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PHAN A. CAU HOI

Dang 1. Xéc dinh gia tri 16n nhit — gia tri nhé nhét ciia ham s6 thong qua do thi cia né
Caul. (DE THAM KHAO BGD&DT NAM 2018-2019) Cho ham s6 y = f(x) lién tuc trén doan [-1;3]

va ¢6 d6 thi nhu hinh v& bén. Goi M va m lan luot 1a gia tri 16n nhét va nho nhat cia ham sb d3 cho trén
doan [-1;3]. Gid tri cia M —m bang

Al B. 4 C.5 D. 0

Cau2. (PE 01 PE PHAT TRIEN PE THAM KHAO BGD&DPT NAM 2018-2019) Cho ham s
y = f(x) lién tuc trén doan [—1;1] va c6 dd thi nhu hinh v&.
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Goi M va m lan luot 14 gia tri 16n nhat va nho nhat ciia ham sb da cho trén doan [—1;1] .Giatricua M —-m
bang
A. 0. B. 1. C.2. D. 3.
Ciu 3. (CHUYEN LUONG THE VINH DPONG NAI NAM 2018-2019 LAN 01) Cho ham s6 y = f(x)
xac dinh va lién tuc trén R ¢6 dd thi nhu hinh vé bén. Tim gia tri nhd nhit m va gia tri 16n nhit M cta ham
s6 y=f(x) trén doan [-2;2].
YA
2 10

¥s

A. m=-5;M=-1. B. m=-2;M=2. C.m=-1;M=0. D.m=-5M=0.
Cau4. (DEMINHHQA GBD&DT NAM 2017) Cho hamsb y = f'(x) x4c dinh, lién tuc trén R va c6 bang
bién thién:

_+o0

=00

Khang dinh nao sau dy 1a khiang dinh dtng?
A. Ham s c6 gia tri cuc tiéu bang 1.
B. Ham s6 c6 gia tri 16n nhit bang 0 va gia trj nho nhat bang —1.
C. Ham sb dat cuc dai tai x =0 va dat cuc tiéu tai x=1.
D. Ham s6 c6 ding mat cuc tri.
Cau 5. (THPT-THANG-LONG-HA-NOI-NAM-2018-2019 LAN 01) Cho ham sb y = f (x) lién tuc trén

[-3;2] va c6 bang bién thién nhu sau. Goi M,m lan luot 14 gié tri 16n nhat va gi4 tri nho nhét cia ham s6
y = f(x) trén doan [-1;2]. Tinh M +m.

X -3 -1 0 1 2
3 2
flx) _2/ \O/' \1
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A. 3. B. 2. C. 1. D. 4.

Ciu 6. (THPT BA DINH NAM 2018-2019 LAN 02) Xét ham s6 y = f(x) véi x €[-1;5]c6 bang bién
thién nhu sau:

-1 0 2 5
+ 0 - 0 +
4
/ \‘ 0 /
Khang dinh nao sau déy la ding
A. Ham s6 da cho khong ton tai GTLN trén doan[-1;5]
B. Ham s6 da cho dat GTNN tai x=—1va x=2 trén doan[-1;5]
C. Ham s6 da cho dat GTNN tai x =—1va dat GTLN tai x =5trén doan [-1;5]
D. Ham s6 da cho dat GTNN tai x =0 trén doan[-1;5]

Céu7. (CHUYEN LE THANH TONG NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) lién tyc trén R
, ¢6 bang bién thién nhu hinh sau:

Trong cac m¢nh dé sau, ménh dé nao sai?
A. Ham s6 c6 hai diém cuc trj.
B. Ham s6 c6 gia tri 10n nhat bang 2 va gia tri nho nhat bang -3 .
C. Do thi ham s6 co ding mot duong tiém can.
D. Ham s6 nghich bién trén m&i khodng (—o0;—1), (2;+0).

Ciu8. (THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f(x)
lién tuc trén R va c6 bang bién thién nhu hinh v&. Ménh dé nao sau day dung?

z | —oo -2 0 2 + oo

!

Y + 0 - 0 + 0 -

N N

A. Phuong trinh f ( =0c6 4 nghiém phan biét

B. Ham s6 dong bién trén khoang (0;+0)

C. Gia tri nho nhit cta ham s6 bang 0

D. Ham so6 c6 3 diém cuc tri
Cau9. (CHUYENNGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) Cho ham s6 y = f(x)
lién tuc va c6 bang bién thién trén doan [-1;3] nhu hinh v& bén. Khang dinh nao sau day diing?
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X -1 2
b + 0 - 0 +

(VR

B. I[l}lz};](f(x)=f(3). C. max f(x)=f(2). D. 1[1}12;13)](f(x)=f(—1).

[-1:3]

A. r[{lg;ff(x)=f(0)-

Cau 10. (DE THI THU VTED 02 NAM HOQC 2018 - 2019) Cho ham s6 f(x) lién tuc trén [-1;5] va c6

dd thi trén doan [—1;5] nhu hinh v& bén dudi. Téng gia tri lon nhét va gia tri nho nhét ctia ham sb f (x) trén

doan [-1;5] bang

—2

A. -1 B. 4 C.1 D. 2

Céu 11. (SO GD&DT THANH HOA NAM 2018 - 2019) Cho ham s6 f(x) lién tuc trén R va c6 do thi

nhu hinh ve€ sau:

Goi M va m lan luot la gi4 tri 16n nhét va nhé nhét ciia ham s f(x) trén {—1;5} .Giatricia M +m

bang
1
A. —. B.
2

Céu 12. (THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) xé4c dinh, lién

5. C. 4. D. 3.

tuc trén [—l,é} va c6 db thi 1a duong cong nhu hinh v&.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Gid tri 16n nhit M va gid tri nho nhat m ctia ham s f(x) trén [ 1 %} la:

A M=4m=1 B.M=4m=-1 CM—% =-1 D.M=7 =1

Cau 13. (GKI THPT NGHIA HUNG NAM DINH NAM 2018- 2019) Cho ham $6 y=f (x) cb dd thi nhu
hinh v&. Gi4 tri 16n nhit cia ham s f (x) trén doan [0;2] la:

A. Maxf( )

[0:2]

C. ]\[{_czz]xf(x):4. D. Max f(x)=0.

Ciu 14. (SO GD&DPT BAC GIANG NAM 2018-2019 LAN 01) Cho ham sé y = f(x) lién tuc trén doan
[-1;3] va c6 db thi nhu hinh v& bén. Goi M, m lan luot 1a gia tri 16n nhét va gia tri nho nhat cua ham sb da

cho trén doan [-1;3]. Gid tri cia M +m 1a

A.2 B. -6 D. —2

Cau 15. (SO GD&DT HA NQI NAM 2018-2019) Cho ham s y = f(x) c6 bang bién thién trén [-5;7)
nhu sau
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x |—D 1 7
v - 0 +
| \ 9
‘ ) /
Ménh d2 nao dudi day déng?
A. 1[\_/£;17r)1f(x):6. B. 1[\_/£;17r)1f(x):2. C. l}g%(f(x):& D. 1{\{[5%>)<f(x):6.

Cau 16. (TT THANH TUONG NGHE AN NAM 2018-2019 LAN 02) Cho ham s £ (x) lién tuc trén
doan [0;3] va co d6 thi nhu hinh ve bén. Goi M va m lan luot la gia tri lon nhat va nho nhét cua ham s6 da

cho trén [0;3]. Gia tri cua M +m bang?

\Y
3
2
O 1 2 3T
—1
—2
A. 5. B. 3. C.2. D. 1.

Cau 17. (CHUYEN LE QUY DON DIEN BIEN LAN 3 NAM 2018-2019) Cho ham s y = f (x) lién tuc
trén doan [—2;6] va c6 dd thi nhu hinh v& bén dudi.

YA

Goi M va m lan luot 12 gia tri 10n nhat va nho nhat ciia ham sé dé cho trén doan [—2;6]. Gia tri cia M —m

béng
A. 9. B. -8. C. 9. D. 8.
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Cau 18. (DE THI THU VTED 03 NAM HQC 2018 - 2019) Cho ham s6 y = f(x) lién tuc va c6 dd thi

trén doan [—2; 4] nhu hinh vé bén. Téng gia tri lon nhét va nho nhat cua ham sd y=f (x) trén doan [—2;4]
béng

A5 B. 3 C.0 D. 2
Cau 19. (THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) c6 bang

xét dau dao ham nhu sau:

T |—ng -1 0 1 +00

vl - - 0 o+ 0 -

Ménh dé nio sau day ding
A. fl_lf.‘ﬁf(x):f(o) B. (rg}f;})f(x)zf(l) C. (Eg;ig)f(x)zf(_l) D. (Hn;}}o)f(x):f(o)

Dang 2. Xic dinh gia tri 16n nhit — gia tri nhé nhét ciia ham sb trén doan [a;b]

Céu 20. (M 102 - BGD - 2019) Gié tri nho nhét cia ham s6 f'(x)=x>=3x+2 trén doan [-3;3] bang
A. 0. B. —16. C. 20. D. 4.
Céu 21. (MA PE 110 BGD&DT NAM 2017) Tim gia tri 16n nhat M cua ham sb y=x*-2x"+3 trén doan
[O;x/g]
Ao M =6 B. M =1 C.M=9 D. M =83
Céu 22. (M4 103 - BGD - 2019) Gid trj 16n nhat ctia ham sé f(x)=x’-3x trén doan [-3;3] bang
A. 2. B. 18. C.2. D. -18.

X +3

Céu 23. (PE MINH HOA GBD&DT NAM 2017) Tim gia tri nho nhét ciia ham sé y = trén doan

[2;4]. o

19 )
A. miny=-3 B. miny=— C. miny=6 D. min y=-2
i) R 3 i) 2l

Céu 24. (Ma dé 104 BGD&DPT NAM 2018) Gia tri 16n nhat cia ham s y = x* —x? +13 trén doan [-1;2]
béng
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A. 85 B. o C.13 D. 25

4
< o ; ‘ 2

Cau 25. (MD 104 BGD&DT NAM 2017) Tim gia tri nhé nhat m cia haim s6 y = x> + = trén doan [%;2}.
X

17
T4
Ciu 26. (MA DE 123 BGD&DT NAM 2017) Tim gié tri nhé nhit 71 cua ham s6 y = x> -7x* +11x -2
trén doan [0 ;2].

A.m=3 B. m=0 C.m=-2 D. m=11

Céu 27. (Mi dé 101 BGD&DT NAM 2018) Gié tri 16n nhét ciia ham s6 y = x* —4x* +9 trén doan [-2;3]
béng

A. m=5 B. m=3 C.m D. m=10

A. 201 B. 2 C.9 D. 54
Cau 28. (DE THAM KHAO BGD & DT 2018) Gi tri 16n nhat ctia ham s6 f'(x) =x"—4x” +5 trém doan
[-2;3] bang

A. 122 B. 50 C.s5 D.1
Cau 29. (MD 105 BGD&DT NAM 2017) Tim gi tri nhé nhit m cua ham s6 y=x* —x* +13 trén doan
[—2;3] .

A. m=13 B.m:E C.m:—1 D.m:%

2
Cau 30. (Vi dé 104 - BGD - 2019) Gia tri nho nhét cia ham sé f(x) =x° —3xtrén doan [—3;3] bang
A. -18. B. 2. C. 2. D. 18.

Cau 31. (MD 103 BGD&DT NAM 2017-2018) Gia tri nho nhét cta ham s y=x"+3x* trén doan [—4;—1]
bang

A. -16 B. 0 C. 4 D. -4
Céu 32. (Mi dé 102 BGD&DT NAM 2018) Gia tri nhé nhét ctia ham s6 y =x"+2x> —7x trén doan [0;4]

bang

A. 259 B. 68 C.0 D. -4
Céu 33. (Mi dé 101 - BGD - 2019) Gid trj 16n nhét cia ham s6 f'(x)=x’—3x+2 trén doan [-3;3] la
A. 4. B. -16. C. 20. D. 0.

Dang 3. Xiac dinh gia tri 16n nhit — gia tri nhé nhét ciia ham sb trén khoéng (a;b)

. ; y . . 4
Cau 34. (DE THAM KHAO BGD&DT NAM 2017) Tinh gia tr1 nhé nhat cia ham s6 y =3x+— trén
X
khoang (0;+o0).
33 : .
A. min y =— B. min :2%/5 C. min =33/§ D. miny=7
e " s (o) (o) (o)

Ciu 35. (CHUYEN LUONG THE VINH PONG NAI NAM 2018-2019 LAN 01) Goi m 1a gia tri nhé

. . 4
nhat ciia ham s6 y = x+— trén khoang (0;+c). Tim m

X

A.m=4. B.m=2. C. m=1. D. m=3.
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Céu 36. (THPT - YEN DPINH THANH HOA 2018 2019- LAN 2) Goi @ la gia tri nho nhat cia ham s6

y=x’ +i trén khoang (0;+00). Tim a .
X
A. 334 B. 5. C. 6. . 2316.

Céu 37. (THPT MINH CHAU HUNG YEN NAM 2018 —2019) Gia tri nhé nhit cia ham sb y =x—-5 L
X

trén khoang (0;+o) bang bao nhiéu?
A. 0 B. -1 C.-3 D. -2
Cau 38. (THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Gia tri nho nhat cia ham sb

f(x)=x +1 trén nira khoang [2;+00) la:
X

A. 2 B. > C.0 D.

2
Dang 4. Ung dung GTLN-GTNN vao bai toan thue té

NN

Céu 39. (M dé 101 BGD&DPT NAM 2018) Ong 4 dy dinh dung hét 6,5m* kinh dé 1am mot bé ca c6 dang
hinh hop chit nhat khong nap, chiéu dai gip d6i chiéu rong (cac mbi ghép co khong dang ké). Bé ca co dung
tich 16n nhit bang bao nhiéu (két qua 1am tron dén hang phan tram).

A. 2,26 m’ B. 1,61m’ C. 1,33n’ D. 1,50 m’

Cau 40. (MD 104 BGD&DT NAM 2017) Mét vét chuyén dong theo quy lut s = —%ﬁ +61° v6i 1 (gidy) la

khoang thoi gian tinh tir khi vat bt dau chuyén dong va s (mét) 1a quing duong vat di chuyén dugc trong
khoang thoi gian d6. Hoi trong khoang thoi gian 9 giay ké tir khi bat dau chuyén dong, van tdc 16n nhat ctia
vat dat duoc béng bao nhiéu?

A. 243 (m/s) B. 27 (m/s) C. 144 (m/s) D. 36 (m/s)

Céu 41. (MD 103 BGD&DT NAM 2017- 2018) Ong A du dinh str dung hét 5m? kinh dé 1am mot bé ca
bang kinh c6 dang hinh hop chir nhéat khong nap, chidu dai gap d6i chiéu rong (cac mdi ghép co kich thude
khong dang ké). Bé ca c6 dung tich 16n nhat bang bao nhiéu (két qua 1am tron dén hang phan trim)?
A. 1,01 m’ B. 0,96 m’ C.1,33m’ D. 1,51 m’

Céu 42. (PE MINH HQOA GBD&DT NAM 2017) Cho mot tim nhém hinh vudng canh 12 cm. Ngudi ta
C:Zit & bdn gbc cta tim nhom d6 bén pinh vudng bang nhau, mSi’ hinh vuéng c6 canh bang x (cm), roi gap
tam nhoém lai nhu hinh v& dudi ddy d€ dugc mot cai hop khong nap. Tim x d€ hop nhén duge co thé tich lon
nhat.

A. x=3 B. x=2 C.x=4 D. x=6

Cau 43. (KTNL GIA BINH NAM 2018-2019) Mot chat diém chuyén dong theo phuong trinh
S =—1+3t* -2, trong d6 ¢ tinh bang gidy va S tinh theo mét. Chuyén dong c6 van tdc 16n nhat 1a
A. 1 m/s. B. 4 m/s. C. 3 m/s. D. 2 m/s.
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Cau 44. (THPT NAM 2018-2019 LAN 04) Mot loai thudc dugc ding cho mot bénh nhan va nong do thude
trong mau cua bénh nhan dugc giam sat boi bac si. Bit rang ndng do thudc trong méu cuia bénh nhan sau khi

tiém vao co thé trong ¢ gid dugc cho béi cong thirc ¢(¢) = (mg/L). Sau khi tiém thudc bao 1au thi

t*+1
ndng d6 thude trong mau cua bénh nhan cao nhat?
A. 4 gio. B. 1 gio. C. 3 gio. D. 2 gio.

Cau 45. (THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Dot xuit khau gao cta tinh A thudng
kéo dai trong 2 thang (60 ngay). Nguodi ta nhan thay s6 luong xuat khau gao tinh theo ngay thur ¢ dugc xac

dinh béi cong thue S(t)= %ﬁ —63¢* +3240¢—3100 véi (1<7<60). Hoi trong 60 ngay d6 thi ngay thir may

c6 s6 lwong xuit khau gao cao nhat.
A. 60 B. 45 C. 30 D. 25

Céu 46. (GKI NHAN CHINH HA NOI NAM 2018-2019 LAN 01) Mot vét chuyén dong theo quy luat
1 . ,
S =10z —§t3 , voi 1(gidly) la khoang thoi gian tinh tir lac vat bat dau chuyen dong va S(m)1a quang dudng

vat di dugc trong khoang thoi gian 6. Hoi trong khoang thoi gian 15 gidy tir luc vat bat dau chuyén dong van
toc v(m/s) cua vt dat gid tri 16n nhat tai thoi diém ¢(s) bang:
A. 8(s). B. 20(5) C. 10(5). D. 15(s).

Céau 47. (CHUYEN LE QUY PON PIEN BIEN NAM 2018-2019 LAN 02) Mot soi day c6 chiéu dai 28m
duogc cit thanh hai doan dé 1am thanh mot hinh vudéng va mét hinh tron. Tinh chiéu dai (theo don vi mét) cia
doan day 1am thanh hinh vuéng dugc cit ra sao cho tong dién tich ctia hinh vudéng va hinh tron 13 nho nhat?
. 56. B. 112. C. 84. D. 92.
4+ 4+ 4+r 4+
Ciu 48. (PEN I - THAY LE ANH TUAN - DE 3 - NAM 2019) Mot xudng in ¢6 15 may in dugc cai dat ty
dong va giam sat boi mot ky su, mbi may in c6 thé in dugc 30 an pham trong 1 gid, chi phi cai dit va bao
dudng cho moi may in cho 1 dot hang la 48. 000 dong, ch1 phi tra cho ky su giam sat 13 24.000 dong/gid.
Dot hang nay xudng in nhan 6000 an pham thi sé may in can st dung dé chi phi in it nhat 1a
A. 10 may. B. 11 may. C. 12 may. D. 9 may.

Céu 49.Mo6t chat diém chuyén dong thang v6i quing duong bién thién theo thoi gian boi quy luat
s(t)=#—4¢ +12 (m), trong d6 ¢ (s) la khoang thdi gian tinh tir luc bat dau chuyén dong. Van te cia cht
diém d6 dat gia tri bé nhat khi ¢ bang bao nhiéu?

A. 2 (s). B. g (s). C. 0 (s). D. g (s).

Céu 50. (THPT MINH CHAU HUNG YEN NAM 2018 —2019) Cho mét tim nhom hinh chit nhét c¢6 chiéu
dai bang 10cm va chi€u rong bang 8cm . Nguoi ta cat bd ¢ bon géc cua tam nhdm dé bon hinh vudng bang
nhau, mdi hinh vuéng c¢6 canh bang x(cm), r0i gap tAm nhom lai (nhu hinh v&) dé duoc mot cai hop khong

nép. Tim x dé hop nhan duoc cé thé tich 16n nhat.
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8-2421 10-247 9++/21 .oVl
3 3 ' -

C. x= .
9 3

Cau 51. (GKI THPT VIET PUC HA NOI NAM 2018-2019) Mot doan ciru trg 1 Iut dang ¢ vi tri 4 cla
mot tinh mién trung mudn dén xa C dé ti€p té lvong thuc va thuéc men. B¢ di dén C, doan curu trg phai cheo
thuyén tr 4 dén vitri D véi van téc 4(km/h), rdi di bd dén vi tri C vé6i van toc 6(km/h). Biét A cach
B mot khoang 5km, B cach C mét khoang 7km (hinh v&). Hoi vi tri diém D cach A4 bao xa dé doan ctru
tro di dén xa C nhanh nhét?

A, x B. x

A

5 km

7 Km

A. AD =53 km. B. AD=2\5km.  C. AD=52km.  D. AD=35km.
Dang 5. Pinh m dé GTLN-GTNN ciia ham s6 théa mén diéu Kkién cho truéc

Ciu 52. (MA DE 123 BGD&DT NAM 2017) Cho ham sé y :“_T (m 1a tham sb thyc) thoa man

miny =3. Ménh dé nao dudi day ding?

A. m>4 B. 3<m<4 C. m<-1 D.1<m<3
Cau 53. (})E THAM KHAO BGD & PT 2018) Goi S 1a tap hop tAt ca cac gia tri cua tham s6 thuc m sao
cho gia trj 16n nhat cua ham sé y:‘x3 —3x+m‘ trén doan [0; 2] bang 3. S6 phan tir cia S 1a

A.0 B. 6 C.1 D.2

Cau 54. (MA DE 110 BGD&DT NAM 2017) Cho ham s6 y=2""" (m 1a tham sb thuc) thoa man
X

+1
. 16 e ax a4
min y+ max y =—. Ménh dé nao dudi day dung?
[52] [1:2] 3
A.m>4 B.2<m<4 C. m<0 D.0<m<2
Cau 55. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Cé mot gia tri m, cia tham sb m dé
ham s6 y = x*+(m” +1)x+m+1 dat gid tri nho nhét bng 5 trén doan [0;1]. Ménh dé nao sau ddy la ding?
A. 2018m, —m; >0. B.2m,—1<0.
C. 6m,—m; <0. D. 2m, +1<0.
Céau 56. (SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) Tinh tng tat ca cic gia
tri ctia tham s6 m sao cho gié tri 16n nhat ctia ham sé y = |x* —2x + m‘ trén doan [-1;2] béing 5.
A. 1. B. 2. C. 2. D. 1.
Cau 57. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Néu ham sd y = x +m ++1—x*
c6 gia tri 16n nhat bang 22 thi giatricua m la
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A.Q. B. 2. C.\2. D.—Q.

2 2

Cau 58. (THPT LE VAN THINH BAC NINH NAM 2018-2019) Cho ham sé y = HTT (m 1a tham sb
T

thuc) thoa man rfn]n y = 3. Ménh d nao duéi day dung?
0;1

A.1<m<3 B. m>6 C.m<1 D.3<m<6
Ciu 59. (CHUYEN KHTN LAN 2 NAM 2018-2019) Téng gia tri 16n nhat va gia tri nho nhat ctia ham sé
y= );—:T trén [1;2] bdng 8 (m 1a tham s thuc). Khang dinh nao sau day dung?

A. m>10. B.8<m<10. C.0<m<4. D.4<m<8.

Céu 60. (THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) Cho ham sé y =2x* —=3x% —m.
Trén [—l;l] ham sb ¢o gia tri nho nhét 1a —1. Tinh m?
A. m=-6. B. m=-3. C. m=—4. D. m=-5.

Céu 61. (THPT PONG SON THANH HOA NAM 2018-2019 LAN 02) Tim m dé gia tri 16n nhit ctia ham
s6 y= ‘x3 —3x+2m— 1‘ trén doan [0;2] 1a nho nhit. Gia tri cia m thudc khoang nao?

A. (—%;—1). B. @2) C.[-10]. D. (0;1).

Céu 62. (HOC MAI NAM 2018-2019-LAN 02) Biét S 1a tap gia tri cia m dé tong gia tri 16n nhat va gia
tri nho nhat cia ham s6 y = x* —m’x’ —2x* —m trén doan [0;1] bng —16. Tinh tich c4c phan tir ctia S .

A. 2. B. 2. C. -15. D. -17.

Céu 63. (CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi 4, B lan luot 1a gia tri nho nhat, gia trj 16n

nhat ciia ham sé y = xtm +m trén doan [2;3]. Tim tat ca cac gid tri thuc cta tham sb m dé A+ B = g )
A.mzl;m=f2. B.m=-2. C. m==%2. D.m=-1m=2.

Céu 64. (THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Tim tt ca gia tri thuc cta tham s6 m

dé ham sd y = % lién tuc va dat gia tri nho nhét trén doan [0;2] tai mot diém x, (0;2).
A.O<;<T B. m>1 C.m>2 D. -1<m<l1

Céu 65. (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Goi S 1a tap hop tat ca cac gia tri thuc

X +mx+m

ctia tham s m sao cho gia tri 10n nhét ctia ham sé y = trén [1;2] bang 2. S6 phén tir cua tap

S

A. 3. B. 1. C. 4. D. 2.
Céu 66. (THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Tim m dé gia tri nho nhit ciia ham sb

2

— + .

f(x)= X7 T en doan (0;1) bang —2
x+1
=1 =1 =-1 +
A" B.|" c.|"" . D. o221
m=2 m=-2 m=2 2
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Cau 67. (THPT BACH DANG QUANG NINH NAM 2018-2019) Cho ham s y =1_m$nzx. Cé bao
COSx +
nhiéu gia tri nguyén ciia tham s6 m thudc doan [0;10] dé gié tri nhé nhét cia ham sb nhd hon —2?

A. 1. B. 9. C. 3. D. 6.
Ciu 68. (PE HQC SINH GIOI TINH BAC NINH NAM 2018-2019) Xétham sé f(x) = \xz +ax+b

, vOi
a, b lathamsb. Goi M 1a gia trj 16n nhat cia ham s trén [-1;3]. Khi M nhan gia tri nho nhét c6 thé duoc,
tinh a+2b.
A. 2. B. 4. C. 4. D. 3.
Céau 69. (PE HOC SINH GIOI TINH BAC NINH NAM 2018-2019) Cho ham s6 y =ax’ +cex+d, a#0
c6 min f(x)=f(-2).Gia tri 16n nhat ctia ham s y = f(x) trén doan [1;3]béng
xe(-0;0)

A.d-11a. B. d-16a. C.d+2a. D. d+8a.
Céiu 70. (CHUYEN THAI BINH NAM 2018-2019 LAN 03) Goi S 1a tap hop cac gié tri ctia tham sb m

x> —mx+2m

dé gia tri 16n nhit ciia ham s6 y = trén doan [-1;1] bang 3. Tinh tong tat ca cac phan tir ciia

x—=2
S.

A. —§. B.5. C.

3
Céau 71. (GKI THPT NGHIA HUNG NAM DINH NAM 2018-2019) Tim tit ca cac gia tri cua tham sé m

D. -1.

W |

dé hamsd y = FER c6 gia tri 16n nhit trén R nho hon hoic bang 1.
XT+x+

A. m<1. B. m>1. C.m=>-1. D. m<-1.
Dang 6. Bai toan GTLN-GTNN lién quan dén dé thi dao ham
Céu 72. (M 102 - BGD - 2019) Cho ham s6 f(x),hamsé y = f"(x) lién tuc trén R va c6 do thi nhu hinh

veE.
VA

-

v=r"(x)

o\ %y
/ N

Bat phuong trinh £ (x)>x+m (m la tham s6 thuc) nghiém ding véi moi x (0;2) khi va chi khi
A.me(O). B.m<f(0). C.méf(2)—2. D.m<f(2)—2.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 13




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG DT:0946798489
Céu 73. (M4 103 - BGD - 2019) Cho ham s6 y = f(x), ham sé y = f'(x)lién tuc trén R va c6 do thi nhu

hinh v& bén. Bat phuong trinh 1 (x) <2x+m (m 1a tham s6 thyc) nghiém ding véi moi x € (O; 2) khi va chi

A.me(O). B.me(Z)—4. C.m>f(0). D.m>f(2)—4.

Céu 74. (Mi dé 101 - BGD - 2019) Cho ham s y = f(x), ham s6 y = f'(x)lién tuc trén R va co do thi

nhu hinh v€ bén dudi

y=f'(x)

\ 2 x
N
Bét phuong trinh f (x) <x+m (m 13 tham sb thuc) nghiém ding voi moi x 6(0;2) khi va chi khi
A. m>f(2)—2. B. m>f(0). C. mzf(2)—2. D. me(O).

Cau 75. (M dé 104 - BGD - 2019) Cho ham s6 f(x), ham sé f”(x) lién tuc trén R va c6 d thi nhu hinh
ve.

YA
2 y= f(x)

-—

/ °F \U 2
Bét phuong trinh f° (x) >2x+m (m 1a tham s6 thyc) nghiém dung véi moi x € (O; 2) khi va chi khi
A. m< f(2)-4. B. m< f(2)-4. C. m< £(0). D. m< f(0).

Céau 76. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) xéc dinh

va lién tuc trén R, d6 thi cia ham sé y = f '(x) nhu hinh v&.
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Y [

-1 O \1 2 +
[ \/
Gi4 tri 16n nhit cia ham sb y = f (x) trén doan [—1; 2] la
A. f(1). B. f(-1). C. 1(2). D. 1(0).

Céu 77. (THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 f (x) ¢6 dao ham
la  f'(x). D6 thi cia ham sb y=f'(x) duwgc cho nhu hinh v& bén. Biét ring
F(0)+£(1)-2£(3)=f(5)- f(4). Tim gid tri nho nhét m va gié trj 16n nhat M cta f(x) trén doan [0;5]

4y

O/\S ] » X

_

Am=f(5),M=f(3)B.m=rf(5),M=r(1)
C.m=r(0),M=f(3)D.m=f(1).M = (3)

Cau 78. (DE 04 VTED NAM 2018-2019) Cho ham s6 y = f(x). Haim s§ y = f/(x) c6 bang bién thién nhu
sau.

Bét phuong trinh £ (e" ) <e" +m nghiém ding véi moi x e(-1;1) khi va chi khi

X —og -2 3 +o0

I'(x) \ ) / \ ~
A. me(l 1 B. m>f(—1)—l C. me(—l)—l D. m>f(lj—l
e e e e e e

Ciu 79. (CHUYEN LE HONG PHONG NAM DINH LAN 1 NAM 2018-2019) Cho ham s6 y = f'(x) ¢6
. . . 1 1
bang bién thién nhu hinh duéi day. Tim gid tri I6n nhat cua ham s0 g(x)=f (4x —-x’ ) +§x3 —3x> +8x 3

trén doan [1;3].
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A. 15. B. é C. Q D. 12.

3 3
Céu 80. (THPT NGHIA HUNG ND- GK2 - 2018 - 2019) Cho ham s6 y = f(x). Ham s6 y = f'(x) c6

bang bién thién nhu sau

+o0

Lol 3

x| —oco 0

—+ o0
e \ 6
! 1 / \
—00

Bat phuong trinh £ (x)>2"" +3m ding v6imoi x e (0;%) khi va chi khi

A.mS%[f(O)—Z]. B.m<%[f(0)—2:|. C.mﬁé{f(%j—l} D.m<{f(%j—1]

Céu 81. (D¢ minh hoa 2019) Cho ham s y = f(x). Ham s6 y = f'(x) co bang bién thién nhu sau:

Bét phuong trinh f (e" ) <e" +m nghiém ding v6i moi x €(-1;1) khi va chi khi

X —a -2 3 420
+o 1
£1(x) \ ) / \ )
A. mzf(l 1 B. m>f(—l)—l C. me(—l)—l D. m>f(l]_l
e) e e e e) e

Céu 82. (THPT NGO ST LIEN BAC GIANG NAM 2018-2019 LAN 01) Cho ham s6 f'(x) c6 bang bién

thién nhu sau:

x -1 0 2 3

3
f(x) , \
1

0i S 1a tap hop cac s6 nguyén duwong m dé bat phuong trin x)2m|x’ —3x"+5) c6 nghi€ém thudc doan
Goi S lataph ac SO d de bat ph h _3xP+5 h hudc d

[ s

[-1;3]. SO phan tir ciia S 1a
A.3 B. V6 s6 C.2 D. 0
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Céu 83. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019 LAN 01) Cho ham sé y = f(x) lién tuc

trén R. D thi cia ham s§ y = f(x) nhu hinh bén. Pat g(x) =27 (x)~(x+1)". Ménh d& dusi day ding.

A. maxg(x)=g(3). B.ming(x)=g(1). C. r[l}SE}S)}cg(x):g(O). D. I{I_l}é}})](g(x)zg(l).

Céu 84. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 3) Cho ham s6 y = f(x) c6 dao ham cap
hai trén R . Biét f"(0)=3, f'(2)=-2018 va bang xét dau cua /" (x) nhu sau:

T ‘ — 00 0 2 +0a

fﬂ{‘!_] + [ - ( +
Ham s6 y = f(x+2017)+2018x dat gia trj nho nhat tai diém x, thudc khoang nao sau day?
A. (—;—2017) B. (2017;+0) C. (0;2) D. (-2017;0)

Cau 85. (DE THI THU VTED 02 NAM HQC 2018 - 2019) Cho ham s6 f'(x) lién tuc trén R va c6 do
thi nhu hinh v& bén. Bét phuong trinh 2 f (x) +x° >2m+3x" nghiém ding v6i moi x € (—l; 3) khi va chi khi

L

u

A. m<-10. B. m<-5. C. m<-3. D. m<-2.

Céu 86. (KTNL GV BAC GIANG NAM 2018-2019) Cho ham s6 f(x) c6 dao ham trén R va c6 do thi
cua ham y = f'(x) dugc cho nhu hinh v&.
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v

LN
F/g/o T~

Biétrang f(-3)+f(0)= f(4)+ f(-1). Gié tri 16n nhét va gi4 tri nho nhét cia f(x) trén doan [-3;4] lan
luot la:

A. f(4) va f(-3). B. f(-3) va f(0). C. f(4) va f(0). D. f(2) va f(-3).
Cau 87. Cho hamsé f(x) c6 dao ham1a f’(x). DS thi cia ham s6 y = f'(x) dugc cho nhu hinh v& dudi
day:

Biétrang f(—1)+ £ (0)< f(1)+ f(2). Gi4 tri nho nhat va gia tri 16n nhét cia ham sé y = f(x) trén doan
[-1;2] lan luot la:
A (1) £(2). B. f(2); f(0). C. £(0); £(2). D. /(1); f(-1).

Dang 7. Ung dung GTLN-GTNN vio bai toan dai s6

Céu 88. (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Tim tit ca cac gia tri tham s6 m dé
bat phuong trinh 6x+/(2+x)(8—x) <x*+m—1 nghiém ding v6i moi x € [-2;8].

A. m2>16 B. m>15 C.m=>8 D. -2<m<16
Cau 89. (GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Tim m d& bit phuong trinh
X+ 4 >m c6 nghiém trén khoang (—oo; 1) .

x—1
A. m<5. B. m<-3. C. m<l1. D. m<-1
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Céu 90. (THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Biét rang tap nghiém cta
6x—4
5vx* +1

A.2 B. 4 C. 2 D. 1
Ciu 91. (CHUYEN LE QUY DON DIEN BIEN NAM 2018-2019 LAN 02) Gois 1a tap hop cac gia tri
nguyén ciia tham s m €[0;2019] d¢ bat phuong trinh

bat phuong trinh +2x+4 —24/2—x > 1a [a;b]. Khi d6 gié tri cia biéu thitc P =3a —2b bang:

x° —m+,/(1—x2)3 <0 ding véi moi x e[-1;1]. S phén tir cua tap s bang
Al ' B. 2020. €. 2019. D.2. ,
Cau 92. (CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi M 1a gia tri 16n nhat cua ham so

f(x) =4+/x* —4x+6 +4x—x’ +1. Tinh tich cdc nghiém clia phuong trinh f(x) =M.
A. 2. B. 4. C.-2. D. 4.

Ciu 93. (THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho ¥ -xp+yt =2 Gig tri nho nhat
cua P=x"+xy+y’ béng:
A. % B. C. 5 D. 2
Céu 94. (THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho x, y la cac s thuc théa man
x+y=+x—1+2y+2. Goi M, m lin luot 1a g4 ti 16n nhit va nhé nhit cua
P=x"+y"+2(x+1)(y+1)+8J4—x—y. Tinh gid tri M +m
A. 42 B. 41 C. 43 D. 44

1

N~

Céu 95. (KTNL GIA BINH NAM 2018-2019) Cho bt phuong trinh m (\/x2 —2x+2+ 1)+ x(2-x)<0.

Hbi ¢6 bao nhiéu sé nguyén m khong nhé hon —2018 & bét phuong trinh da cho c6 nghiém x e [0;1 +3 ]
?
A. 2018 B. 2019 C. 2017 D. 2020

PHAN B. LOI GIAI THAM KHAO

Dang 1. Xac dinh gia tri 16n nhit — gia tri nhé nhét ciia ham s thong qua do thi ciia n6

Céul. (PE THAM KHAO BGD&DT NAM 2018-2019) Cho ham s6 y = f(x) lién tyc trén doan
[~1;3] va c6 d6 thi nhu hinh v& bén. Goi M va m lan luot 1a gié tri 16n nhat va nhé nhét ciia ham
s6 da cho trén doan [-1;3]. Gia tri cia M —m béng

s
| SR

It

A. 1 B. 4 C.5 D. 0
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Cau 2.

Cau 3.

Loi giai
Chon C

Dya va do thisuyra M = f(3)=3; m=f(2)=-2
Vay M —m=35

(PE 01 PE PHAT TRIEN PE THAM KHAO BGD&PT NAM 2018-2019) Cho ham s
y=f (x) lién tuc trén doan [—l;l] va ¢ db thj nhu hinh v&.

Goi M va m lan luot 13 gia tri 1on nhét va nho nhat ciia ham s dé cho trén doan [—1; 1] . Gia tri
ciia M —m bang
A. 0. B. 1. C.2. D. 3.
Loi giai
T do thitathay M =1,bm=0 nén M —-m=1.

(CHUYEN LUONG THE VINH PONG NAI NAM 2018-2019 LAN 01) Cho ham s6 y = f(x)
xéc dinh va lién tuc trén R c6 d6 thi nhu hinh v& bén. Tim gia tri nho nhat m va gia tri 16n nhat
M ciahamsé y = f(x) trén doan [-2;2].

A m=-"5M=-1. B.m=-2;M=2. C.m=-1;M=0. D. m=-5;M=0.
‘ , Loi giéi

Nhin vao do thi ta thay:

M =max f(x)=—1 khi x=-1 hodc x=2.

[-2:2]

m=min f(x)=-5 khi x=-2 hodc x=1.

[-2:2]

(DE MINH HQA GBD&DT NAM 2017) Cho ham s6 y = f(x) xac dinh, lién tuc trénR va co
bang bién thién:
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Cau 5.

X | =00 0 | +c0

N B

_+a0

—Q0

Khang dinh nao sau day la khang dinh dang?
A. Ham s c6 gié tri cuc tiéu bang 1.
B. Ham s6 c6 gia tri 16n nhit bang 0 va gia trj nho nhét bang —1.
C. Ham sb dat cuc dai tai x =0 va dat cuc tiéu tai x=1.
D. Ham s6 c6 ding mdt cyc tri.
Loi giai
Chon C
bép an A sai vi ham s6 co 2 diém cuc trj.
Pap an B sai vi ham s6 ¢o gia tri cyc tiéu y =—1 khi x=0.
Piép an C sai vi ham s6 khong ¢6 GTLN va GTNN trén R.
bép an D ding vi ham s6 dat cuc dai tai x =0 va dat cuc tiéutai x=1.

(THPT-THANG-LONG-HA-NOI-NAM-2018-2019 LAN 01) Cho ham s y = f(x) lién tuc
trén [-3;2] va c6 bang bién thién nhu sau. Goi M,m lan luot 1a gid tri 16n nhat va gié tri nho nhat

ciia ham s6 y = f(x) trén doan [-1;2]. Tinh M +m.

X -3 -1 0 1 2
3 2
f(x) _2/ \0/ \1
A. 3. B.2. C.1. D. 4.
Loi giai
Trén doan [—1;2] ta ¢6 gié tri I6n nhat M =3 khi x=—1 va gid tri nho nhat m =0 khi x=0.
Khido M +m=3+0=3.

(THPT BA DINH NAM 2018-2019 LAN 02) Xét ham s6 y = f(x) v6i x €[~1;5]c6 bang bién
thién nhu sau:

X -1 0 2 5

¥ + 0 - 0 +

4 +o0
Khiang dinh nao sau day 1a dung
A. Ham sé da cho khong ton tai GTLN trén doan[-1;5]
B. Ham s6 da cho dat GTNN tai x=—1va x=2 trén doan[-1;5]
C. Ham s6 da cho dat GTNN tai x =—1va dat GTLN tai x = 5trén doan [-1;5]
D. Ham s6 da cho dat GTNN tai x =0 trén doan[-1;5]
Loi giai

y
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A.Dung. Vi lim y =+ nén ham s6 khong c6 GTLN trén doan [-1;5].

x5

B. Sai. Ham s6 da cho chi dat GTNN tai x=2 trén doan[-1;5].
C. Sai. Ham sb da cho chi dat GTNN tai x=2 trén doan[—l;S] va 1ir151y =400,
D. Sai. Ham sb da cho chi dat GTNN tai x =2 trén doan[-1;5].

Céu7. (CHUYEN LE THANH TONG NAM 2018-2019 LAN 01) Cho ham s y = f(x) lién tuc trén

R, c6 bang bién thién nhu hinh sau:

Trong céc,ménh dé sau, ménh dé nao sai?
A. Ham s0 c6 hai diém cuc tri.
B. Ham s6 co gia tri lon nhat bang 2 va gia tri nho nhat bang -3 .
C. D6 thi ham s6 c6 ding mot duong ti¢ém can.
D. Ham sd nghich bién trén mdi khoang (—o05—1), (2;4).
, ) Loi giai
Duya vao BBT ta thay ham s6 khong c6 GTLN, GTNN.
Ciu8. (THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f(x)
lién tyc trén R va co bang bién thién nhu hinh v&. Ménh dé nao sau day dung?

z | —oo -2 0 2 + 00

!

Y + 0 - 0 + 0 -

I NN

A. Phuong trinh f'(x)=0c¢6 4 nghiém phén biét

B. Ham s6 dong bién trén khoang (0;+c0)

C. Gid tri nho nhat cia ham so bang 0
D. Ham so ¢6 3 diém cuc tri

Dua vao bang bién thién, ham s6 ¢6 3 diém cuc tri.
Cau9. (CHUYEN NGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) Cho ham sb
y = f(x) lién tuc va c6 bang bién thién trén doan [~1;3] nhu hinh v& bén. Khang dinh nao sau day

Loi giai

dung?
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% -1 0 2
y - 0 - 0 -~

(¥R

A. r[n93>]<f (x)=7(0).
C. 1[1}12;13)](f(x)=f(2). D. max f'(x)=f(-1).
Loi giai
Nhin vao bang bién thién ta thay max f(x)=r(0).
Cau10. (DE THI THU VTED 02 NAM HQC 2018 - 2019) Cho ham s6 f(x) lién tuc trén [-1;5] va
c6 db thi trén doan [-1;5] nhu hinh v& bén duéi. Tong gid tri 16n nhét va gia tri nho nhat cia ham

s6 f(x) trén doan [-1;5]bing

Loi giai
M =max f(x)=3

[-15]

n=min f(x)=-2

[-1:5]

Tir d6 thi ta thay: =>M+n=1.

Caull. (SO GD&DT THANH HOA NAM 2018 - 2019) Cho ham sé f(x) lién tuc trén R va c6 do thi

nhu hinh vé sau:
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A&V r
. I

?'HL

I B e

. A s s 17 A \ 5 A 5 \ A A 3 .7 . 5
Goi M va m lan luot 1a gia tri 16n nhat va nhé nhat cua ham s6 f (x) trén {—1;5] Gia tri cia

M +m bang

1
Ao B.5. C. 4. D. 3.

Loi giai
Dua vao d6 thi ham s6 f'(x) taco: M = ma}xf(x) =4; m=min f(x)=-1.
12

g &

Dodd M +m=4+(-1)=3.
Cau12. (THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Cho ham s y = f(x) xéc dinh, lién

tuc trén {—1,%} va c6 dd thi 1a dudng cong nhu hinh v&.

SHET} DIy

. . A \ .y . 5 A 5 \ A A 5 \
Gié tri 16n nhat M va gia tri nho nhat m cua ham s6 f'(x) trén [—1,5} la:

A. M=4m=1 B. M=4,m=-1 C.M=%,m=—1 D.M=%,m=1

Loi giai
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Cau 13.

Cau 14.

Cau 15.

Dua vao d6 thi M =4, m=-1.

(GKI THPT NGHIA HUNG NAM DINH NAM 2018-2019) Cho ham s6 y = f(x) c6 dd thi
nhu hinh v&. Gia trj 16n nhét ciia ham sé 1 (x) trén doan [0;2] la:
YA
_;I _j; J.E \z _".'
A. Max f(x)=2. B. ]\[ol;czz]xf(x)=\/§.
C. Z\[gg]xf(x)=4. D. ]\[f)[;czl]xf(x):O.
Loi giai
Chon C
Dua vao dd thi ta thiy trén doan [0;2] ham sé f(x) c6 gia tri 16n nhét bing 4 khi x=+/2
Suy ra Z\[f)[;czl]xf(x) =4
(SO GD&DPT BAC GIANG NAM 2018-2019 LAN 01) Cho ham sé y = f(x) lién tyc trén doan
[-1;3] va c6 do thi nhu hinh v& bén. Goi M,m lan lugt 1a gia trj 16n nhat va gid tri nho nhat cua
ham s6 da cho trén doan [-1;3]. Gid tri cia M +m la
A. 2 B. -6 D. 2
Loi giai
Dua vao do thi ta thdy GTLN ctia ham s6 trén doan [-1;3] 1a M =2 dat duoc tai x=-1 va GTNN
ciia ham s6 s trén doan [-1;3]1a m=—4 dat duoc tai x=2
>M+m=2+(-4)=-2
(SO GD&DT HA NQI NAM 2018-2019) Cho ham s6 y = f(x) c6 bang bién thién trén [-5;7)

nhu sau
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x |—D 1 7

Y - 0 +

N \ 9
2 /

Ménh dé nao duéi day ding?

A. 1[\_/£;i7r)1f(x):6. B. 1[\_/£;i7r)1f(x):2. C. l}g%{f(x):& D. Max f(x)=6.
Loi gidi

Dua vao bang bién thién trén [-5;7), ta co: Mlgf(x) =f(1)=2.

Céu16. (TT THANH TUONG NGHE AN NAM 2018-2019 LAN 02) Cho ham s6 f (x) lién tuc trén
doan [0;3] va co do thi nhu hinh ve bén. Goi M va m lan luot la gia tri lon nhét va nho nhét cua

ham s6 da cho trén [0;3]. Gia tri cua M +m béang?

\Y
3
2
O 1 2 3
—1
_2
A. 5. B. 3. C.2. D. 1

‘ Loi giai
Duavao hinhvetaco: M =3, m=-2nén M +m=1.

Ciau17. (CHUYEN LE QUY DPON DIEN BIEN LAN 3 NAM 2018-2019) Cho ham s6 y = f(x) lién
tuc trén doan [—2;6] va co dd thi nhu hinh v& bén duéi.

Y,

xV

-4
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Cau 18.

Cau 19.

Goi M va m lan luot 1a gia tri 16n nhét va nho nhét ciia ham sé di cho trén doan [~2;6]. Gia tri
ciia M —m bang
A. 9. B. -8. C. 9. D. 8.
Loi gidi
Tir d6 thi suy ra —4< f(x) <5 Vxe[-2;6]; f(1)=—4f(4)=5
M =5
= { =>M-m=9.

m=—4
(DPE THI THU VTED 03 NAM HOQC 2018 - 2019) Cho ham s6 y = f(x) lién tuc va c6 db thi
trén doan [-2;4] nhu hinh v& bén. Téng gié tri 16n nhat va nhé nhat ciia ham sé y = f(x) trén

doan [-2;4] bang

A.5 B. 3

ChnB )
Dua vao d6 thi ham so ta c6
m= Min f(x)==4, M = Max f(x)=7
Khidé M +m=3
(THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) c6 bang
xét ddu dao ham nhu sau:

T |0 —1 0 1 +00

T

Ménh dé nao sau day dung

Aomaxf(x)=/(0) B max f(x)=/(1) C. min f(x)=/(-1) D. min {(x)=/(0)

Loi giai
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

® |—oc -1 0 1 +oc

yr — — 0 + 0 —

£(1)
f(—le(

)
Dang 2. Xic dinh gia tri 16n nhit — gia tri nhé nhét ciia ham sb trén doan [a;b]

(M3 102 - BGD - 2019) Gia tri nhé nhét cua ham s6 f (x)=x"—3x+2 trén doan [-3;3] bing
A. 0. B. -16. C.20. D. 4.

Loi giai
Chon B
Cach 1:Mode 7f(x) =x =3x+2.
Start -3
end3step 1
= Chon B
Cich 2: ['(x)=3x"=3. f'(x)=0=x=%le [—3 3].
[(B)=-16; f(-1)=4: f(1)=0; f(3)=2
— Gi4 tri nho nhét 1a —16.
(MA PE 110 BGD&DT NAM 2017) Tim gia trj 16n nhdt M cia ham sé y=x* —2x>+3 trén
doan [0;\5].
Ao M =6 B. M =1 C.M=9 D. M =83

Loi giai
Taco: y =4x’ —4x= 4x(x2 —1)

x=0
¥'=0s 4x(¥-1)=0 | x=1
x=-1(/)

Taco: y(0)=3 ; y(l):2 ; y(\/§)=6
Vay gia tri 16n nhat ciia ham sé y = x* —2x% +3 trén doan [0;\5} la M =y(x/§) =6

(M3 103 - BGD - 2019) Gié tri 16n nhat ctia ham s6 f (x) =x’ —3x trén doan [-3;3] bang
A. 2. B. 18. C.2. D. -18.
Loi giai

Tacod y=3x"-3=0 x==+1
f(—3)=—18;f(—1)=2;f(1)=—2;f(3)=

R . . . . +3
(DE MINH HOA GBD&DT NAM 2017) Tim gia tri nho nhat cia ham s6 y = al
x_

trén doan

[2;4] .
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Cau 24.

Cau 25.

) 19 .
A. miny =-3 B. miny=— C. miny=6 D. min y=-2
e R "3 e 2l
Loi gidi
Tap xac dinh: D = R\ {1}
\ £ x> +3 L, e ren R

Hamso y = . xac dinh va lién tuc trén doan [2;4]

x_

x*—=2x-3

Tacod y'=—"—--)'=0 x> -2x-3=0< x=3hodc x=-1 (loai)

x—1

Suy ra y(2)=7;y(3)=6;y(4)=?.V@y min y=6 tai x=3.

[2:4]

(M dé 104 BGD&DT NAM 2018) Gia tri 16n nhét ciia ham sé y = x* —x* +13 trén doan [-1;2]
bang

A. 85 B.%l C.13 D. 25
Loi giai
Chon D
y:f(x)=x4—x2+l3
y'=4x"-2x
x=0e[-1;2]
1
4 2x=0 | x=——=€[-1;2]
V2
1
x=—=¢€c[-12
TR
1 51 1 51
-)=13;/(2)=25f0)=13; f | ——F—= |=—: f| = |=—
J(ED=13,1(2) =25, 1(0) f(ﬁj 4f(\5j 2

Gia trj 16n nhit cia ham s6 y = x* —x? +13 trén doan [—1;2] bang 25.

(MD 104 BGD&DT NAM 2017) Tim gié trj nho nhat m ctahamsé y = x +% trén doan [%;2}
X
17
A. m=5 B. m=3 C.mzj D. m=10
Loi giai
< 2, 2
bat y:f(x):x +—.

X

2 2%’ -2
Taco y,:2x__2:x—2’ y'=03x:le[l;2]
X x 2

Khi do f(1)=3,f(%j=177,f(2)=5.
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Vay mzfllir}lf(x):f(l):&
)

2

Cau 26. (MA DE 123 BGD&DT NAM 2017) Tim gia tri nhé nhat 7 ctia ham s6 y = x> —7x” +11x -2
trén doan [0 ;2].
A.m=3 B. m=0 C.m=-2 D. m=11

Loi giai
Chon C

Xét ham s trén doan [0 ;2]. Ta co y'=3x"-14x+11lsuyra y' =0 x =1
Tinh £(0)=-2; f(1)=3,f(2)=0.Suyra r[x&iz?f(x)#(o):—z:m.

Cau27. (Midé101 BGD&DT NAM 2018) Gié trj 16n nhét cia ham s6 y = x* —4x* +9 trén doan [-2;3]

bang
A. 201 B. 2 C.9 D. 54
Loi giai
! 4 3 8 ! O x:O
=4x" -8x; y'=0& .
y y et

Tacod y(-2)=9; y(3)=54; y(0)=9; y(iﬁ)zS.
Vay r[l}zag]cy:54.

Cau28. (DETHAM KHAO BGD & DT 2018) Gia tri 16n nhat ciia ham s f(x) = x* —4x* +5 trém doan

[-2:3] béng
A. 122 B. 50 C.s D.1
Loi gidi
Chon B
) =dr gm0 0 [<2:3]
x)=4x'-8x=0< el-2;
x:i\/i ’

£(0)=51(+42) =11 (-2) =5/ (3) =50

Vay %ﬁgﬁ]cy =50

Cau29. (MD 105 BGD&DT NAM 2017) Tim gia tri nho nhat m ciia ham s6 y = x* —x” +13 trén doan

A. m=13 B.m:5—1 C.m:5—1 D.m:ﬁ
4 2 4
Loi gidi
Chon B
x=0¢e[-2;3]
!:4 3_2 . — .
Y * wy=0e x:i%e —2;3]’
, 1) 51
Tinh y(-2)=25, y(3)=85, y(0)=13, y(iﬁJ:Z:u,%;
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Két luan: gia tri nho nhat m cuahamsé1a m = %1

(M3 dé 104 - BGD - 2019) Gié tri nho nhét ctia ham s6 f(x) =x" —3xtrén doan [-3;3] bing
A. -18. B. -2. C. 2. D. 18.
Loi giai

x=1

x=-1

Ma f(-3)=-18 f(-1)=2; f(1)=-2; f(3)=

Vay gia tri nho nhit cia ham s f (x) =x’ —3xtrén doan [—3;3] bing —18.

Taco f’(x)::3x2—3:0<:>{

(MD 103 BGD&DPT NAM 2017-2018) Gia tri nhé nhat ciia ham sb y=x*+3x* trén doan
[-4;-1] béng
A. -16 B. 0 C. 4 D. —4

Loi giai

i : : {x=0 #[-4-1]
Tacd y'=3x"+6x; Y =0=3x"+6x=0& .
x=-2 e[-4;-1]

Khi d6 y(—4)=—16; y(—2)=4; y(—l):2.

Nén [{l}}f}]y =-16.

(M dé 102 BGD&DT NAM 2018) Gié tri nho nhat cia ham sé y = x° +2x> —7x trén doan [O; 4]
bang
A. -259 B. 68 C.0 D. -4
Loi giai
TXb D=R

Ham s0 lién tuc trén doan [0;4].
Taco ' =3x>+4x—7

x=1€[0,4]

=0
g x=—%£[0;4]
y(0)=0;y(1)=—4;y(4)=68.
Vay r[13141]1y =—4.
(M3 dé 101 - BGD - 2019) Gié tri 16n nhét cia ham s6 f (x)=x’—3x+2 trén doan [-3;3] la
A. 4. B. -16. C. 20. D.0.

Loi gidi

Chon C

f( ):x —3x+2 tap xac dinh R.
f(x)=0e3x"-3=0x=+1e[-3;3].
F(1)=0:7(-1)=4: £ (3)=20; / (-3)=~-16.
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Tu d6 suy ra 1[113;13)]<f(x) =f(3)=20.
Dang 3. Xic dinh gia tri 16n nhit — gia tri nhé nhét ciia ham sb trén khoéng (a;b)
N . o L. . p 4
Cau 34. (DE THAM KHAO BGD&DT NAM 2017) Tinh gia tri nho nhét cua ham s6 y =3x+— trén
X

khoang (0;+c0).

33 . .
A. min y =— B. min =23/§ C. min =33/§ D. miny=7
(O;+oo) Y 5 (0;+00) y (O;+00) y (0;+00) Y
Loi gidi

Cach 1:
y:3x+i2=3—+3—x+i2233 3—X3—xiz:33/§

X 2 x 2 2 x
Dau "=" xdy ra khi 3—x=iz<:>x:3§.

X

Vay (fonln) y=30
Cach 2:

, 4
Xétham s0 y =3x+— trén khoang (0;+)
x

4 8
Tacod y=3x+—=y'=3-—
X X
Cho y'=0<:>§3=3<:>x3=§<:>x:3§
X 3 3
I +00
X 0 3
y' - 0 +

: \3@/

8
= min y=y| 3|— [|=339
min y(@ %

Cau 35. (CHUYEN LUONG THE VINH PONG NAI NAM 2018-2019 LAN 01) Goi m 1 gié tri nhé
. , 4
nhat ciia ham s0 y = x+— trén khoang (0;+o0). Tim m
X

A.m=4. B.m=2. C. m=1. D. m=3.
Loi gidi

4
=1
Y 2

y'=0ox=12; x=2€(0;+0).

Béng bién thién:
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Cau 36.

Cau 37.

Cau 38.

x [0 2 +o0
y - 0 +

+o0 o0

’ \4 /

Suy ra gia tri nho nhit cia ham sb bang y(2)=4= m =4.

(THPT - YEN PINH THANH HOA 2018 2019- LAN 2) Goi a 1a gia tri nho nhat ctia ham s

y=x’ +i trén khoang (0;+0). Tim a .
X

A. 3Y4. B. 5. C.6. D.2316.
Loi gii.

4 4 2x -4
Tacé:y=x2+—:>y'=2x——2= x2 .
x x X

YP'=02x—4=0c x=32.
Bang bién thién

=

X 0

y' // -
7

L . >
, [ X
ru

Nhin vao BBT ta thdy gia trj nho nhét ctia ham sé 1a a=3Y4.
(THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Gia tri nho nhat cia ham sd

-:-‘ilf.‘]
[

1 .
y=x—5+— trén khoang (0;+o) bang bao nhiéu?
x

A. 0 B. -1 C. -3 D. 2

Loi giai
Chen C

Ap dung bét dang thirc C6 — si ta co:

y:x+l—522‘/x.l—5:—3
x x

Dau bang xay ra khi retexolex=l (vi x>0).
x

Vay miny =-3.

(O;+oo)
(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Gia trj nho nhit cua ham sb
f(x) —x+2 trén nita khodng [2;+o0) la:
X

5

B. > C.0 D.
2

A. 2

o

Loi giai
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Cau 39.

Cau 40.

, L s 1
Ap dung bat dang thuc Co-si, ta duge: f(x)=x+—= 37 +
X

32
4

1

> +2£.
4 x

x 1 _3
4 x 27
Dau bang xay ra khi x=2.
Dang 4. Ung dung GTLN-GTNN vio bai toan thue té
(Mi dé 101 BGD&DT NAM 2018) Ong 4 dy dinh dung hét 6,5m* kinh dé lam mot bé ca co
dang hinh hop chir nhat khong nép, chiéu dai glép d6i chiéu rong (cac moi ghép co khong dang ké).
B¢ cé c6 dung tich 16n nhat bang bao nhiéu (két qua l1am tron dén hang phan tram).
A. 2,26 m’ B. 1,61m’ C. 1,33n’ D. 1,50 m’

Loi giai
Chon D

c

/)_______'

/
/

Gia su hinh hop chir nhat c6 kich thudc nhu hinh vé. Ta c6 dung tich cua bé ca: V =abc

2
o ab+2bc+2ac=6,5 (202 +6bc=65 |c=02720"
Mat khéc theo gia thiét ta co: = 6b
a=2b a=2b
a=2b
_ 2 _ 3
Khidészbz.M@Vzw—zb.
6b 3
_ 3
Xét ham s6: £ (b) = 630=20" 4 BT
il 5 -
7(b) & 0

~

7@) |, —/’fﬁ (Wﬂ

V39

Vay bé ca c6 dung tich 16n nhat 1a: f{TJ =1,50 m’ .

: : 1 o
(MD 104 BGD&DT NAM 2017) Mot vat chuyén dong theo quy luat s = ‘5’3 +61° véi ¢ (gidy)

1a khoang thoi gian tinh tir khi vt bat ddu chuyén dong va s (mét) 1a quing duong vat di chuyén
duoc trong khoang thoi gian d6. Hoi trong khoang thoi gian 9 gidy ké tir khi bat dau chuyén dong,
van toc 16n nhit cua vat dat duoc bﬁng bao nhiéu?
A. 243 (m/s) B. 27 (m/s) C. 144 (m/s) D. 36 (m/s)

Loi gidi
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Chon D
Tacd: v=s'=—£>+12¢; VvV =-2t+12;: V=01=6.
BBT
t 0 6 9
V' + 0 —
36

Nhin bbt ta thiy véan tdc dat gid tri 16n nhat khi #=6. Gia trj 16n nhat 1a v(6)=36m/s .

Cau 41. (MD 103 BGD&DT NAM 2017-2018) Ong A du dinh st dung hét 5m? kinh dé lam mot bé ca
bang kinh c6 dang hinh hop chir nhat khéng nép, chiéu dai gip déi chiéu rong (cac mdi ghép cod
kich thudc khong dang ké). Bé ca c6 dung tich 1on nhat bang bao nhiéu (két qua 1am tron dén hang
phan tram)?

A. 1,01 m’ B. 0,96 m’ C. 1,33 m’ D. 1,51’
Loi giai
Chon A
A’ D
| Ap___2x -
B - C

Goi x,y lan luot 1a chiéu rong va chiéu cao cta bé ca (diéu kién x,y>0).
Taco thé tichbé ca V =2x"y.
Theo dé bai ta co: 2xy+2.2xy+2x> =5 < 6xy+2x* =5

—2x2 .
o y=2"2 Didukitnkitn y>0e5-2x250 = 0<x<|>)
6x 2

_22 _23 _ 2
Ly o 22 XTI ST 5oy =0 @x:\E

6x 3 3
&
T 0 6 2
1 v 0 _
5./30
0 0

530

=V = ~1,01m’.
27

max

Cau42. (PE MINH HOA GBD&DT NAM 2017) Cho mét tim nhom hinh vudng canh 12 cm. Ngudi ta
cit & bon goc clia tim nhom d6 bdn hinh vudng bang nhau, mdi hinh vudng c6 canh bang x (cm),
r0i gdp tAm nhom lai nhu hinh v& duéi day dé dugc mot cai hop khong nip. Tim x dé hop nhan
dugc c6 thé tich 16n nhat.
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Cau 43.

Cau 44.

A. x=3 B. x=2 ‘C.9x=4 D. x=6
Loi giai
Ta co: h=x (cm) 1a duong cao hinh hop
Vi tAm nhém duge gép lai tao thanh hinh hdp nén canh day cta hinh hop la: 12 -2x (cm)
Vay dign tich day hinh hop S = (12—2x)’ (em?). Ta cé: {x 20 {x 9 ve(0:6)
12-2x>0 x<6
Thé tich cua hinh hop la: ¥ = 8./ = x.(12 - 2x)°
Xét ham s6: y = x.(12-2x)" Vx €(0;6)
Tacd: y'=(12-2x) —4x(12-2x) = (12— 2x)(12-6x) ;
y':0<:>(12—2x) (12—6x)=0<:>x:2 hoac x = 6 (loai).

/\

Suy ra voi x =2 thi thé tich hop 1a 16n nhat va gia tri 10n nhét d6 1a y =128.

(KTNL GIA BINH NAM 2018-2019) Mot chat diém chuyén dong theo phwong trinh
S=—1+3t" -2, trong d6 ¢ tinh bang gidy va S tinh theo mét. Chuyén dong c6 van tdc 16n nhat
la
A. 1 m/s. B. 4 m/s. C. 3 m/s. D. 2 m/s.

Loi giai
S=—+37-2=v=-3+6t=-3(t-1)" +3<3.
Do d6 maxv=3(m/s).

(THPT NAM 2018-2019 LAN 04) Mot loai thudc duoc ding cho mot bénh nhan va nong do
thudc trong mau cia bénh nhan dugc giam sat bdi bac si. Biét rang nong do thude trong mau cua

bénh nhan sau khi tiém vao co thé trong ¢ gio dugc cho béi cong thire ¢() = (mg/L).Sau

£ +1

khi tiém thudc bao lau thi ndng do thude trong méau ctia bénh nhan cao nhét?

A. 4 gio. B. 1 gio. C. 3 gio. D. 2 gio.
Loi giai

Xét ham sb c(t) =

., (t>0).
+
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Cau 45.

Cau 46.

)=t
(t2+1)
d(t)=0< le—l
t 0 1 400
c'(t) + 0 -

1
e(t) / ;T
0 2 0

Vé6i ¢ =1 gio thi ndng d6 thude trong méu ciia bénh nhan cao nhat.

(THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Dot xuit khau gao cta tinh A thudong
kéo dai trong 2 thang (60 ngay). Nguoi ta nhan thay so lugng xuat khau gao tinh theo ngay thir ¢

2
duoc xéc dinh boi cong thire S(7) = §t3 —63t* +3240¢ 3100 voi (1<¢<60). Hoi trong 60 ngay

d6 thi ngay tha may c6 s luong xuit khau gao cao nhét.

A. 60 B. 45 C. 30 D. 25
Loi giai
Chon B
s(t)= %ﬁ — 631 +3240t—3100=> S' (1) =gt2 —126¢+3240
t=45
Taco: §'(1)=0<
t=60
z |1 15 60
g + 0 - 0
51575
s
77.4 50000

(GKI NHAN CHINH HA NOI NAM 2018-2019 LAN 01) Mot vat chuyén dong theo quy luét
1 L .
S =10z —gﬂ, voi 1(gidy) 1a khoang thoi gian tinh tir lac vat bat dau chuyén dong va S(m)la
quang duong vat di dugc trong khodng thoi gian d6. Hoi trong khoang thoi gian 15 gidy tir luc vat
bt dau chuyén dong van toc v(m/s) clia vat dat gia tri 16n nhat tai thoi diém #(s) bang:
A. 8(s). B. 20(s) C. lO(S). D. IS(S).
Loi giai

Tacé:Sletz—%tg' :>v(t):S'=20t—tz.
Xét ham s6 v(¢t);¢ €[0;15], ta co: v’(t):20—2t=0<:>t=10.

v(0)=0; v(15)=75;v(10) =100. Do d6: max v(t)=100 < ¢=10.

[0;15]
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Cau47. (CHUYEN LE QUY PON DPIEN BIEN NAM 2018-2019 LAN 02) M6t soi day c6 chiéu dai
28m duoc cit thanh hai doan dé lam thanh mot hinh vuong va mot hinh tron. Tinh chiéu dai (theo
don vi mét) ciia doan day lam thanh hinh vudng duoc cit ra sao cho tong dién tich cua hinh vudng
va hinh tron 14 nhé nhat?

A 56 B. 112 C. 84 D. 92

by’ 4+’ v 4+’
Loi giai
Goi chiéu dai cta doan day lam thanh hinh vuéng 13 x (m) ( 0< x < 28)
=> chiéu dai ciia doan ddy 1am thanh hinh tron 13 28— x (m)

2 2
+) Dién tich hinh vuong la: (fj =X
4 16
v . <1 28—x
+) Bén kinh hinh tron la: R =
2
%\ _ 2
=> Dién tich hinh tron: 7R* = 7[.(28 xj = 784-36x+x
2 4
~ T T784- ’ 4\, 14 1
1) Téng dién tich hai hinh: =+ Lo4—20X¥x" (7 + sz _la, Do
16 4 167 Va V4

7z+4j 14 196

Xét f(x)= ( on x’ —;x — Nhan thay f(x) dat gia tri nho nhét tai

-b 14 16z 112

"2 7 2(n+4) r+4
Vay chiéu dai cua doan day lam thanh hinh vudng dé tong dién tich ctia hai hinh dat gia tri nho
112
m

4+

Ciau48. (PENI-THAY LE ANH TUAN - DE 3 - NAM 2019) M6t xudng in ¢6 15 may in duoc cai dat
tu dong va gidm sat boi mot k¥ su, mdi may in c6 thé in dugc 30 an pham trong 1 gid, chi phi cai
dit va bao dudng cho mdi may in cho 1 dot hang I3 48.000 dong, chi phi tra cho ky su giam sat la
24.000 dong/ gi0. Dot hang nay xudng in nhan 6000 4n pham thi s6 may in can sir dung dé chi phi
in it nhét la
A. 10 may. B. 11 may. C. 12 may. D. 9 may.

Loi giai

nhét 1a

Chon A
Goi x (0<x<15) la sd mdy in can st dung dé in 16 hang.
Chi phi cai dat va bao dudng 1a 48000x .

S6 gio in hét s6 4n pham la 0 , chi phi giam sét 1a 630000 24000 + 43900
X X
Tong chi phi in la P(x)=48000x 3800000
X
x=10
P'(x):48000—&02000; P'(x)=0<x =100 < :
X x=-10 (L)
Béng bién thién:
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X 0 10 15

P'(x - 0 +

p(x) \ P(/

Vay chi phi in nh6 nhét 12 10 may.

Cau 49. Mot chit diém chuyén dong thing voi quing duong bién thién theo thoi gian boi quy luat
s(¢)=1"—41*+12 (m), trong d6 ¢ (s) la khoang thoi gian tinh tir lac bat dau chuyén dong. Van tbc
ctia chat diém d6 dat gid tri bé nhat khi ¢ bang bao nhiéu?

8 4
A. 2 (s). B. 3 (s). C. 0 (s). D. 3 (s).
Loi giai
v(t)=s'(1)=3"-8t.

V/(1)=6t-8.Co v'(t)=0<:>t=§.

r |0 4 +a0
3
v - 0 +
0 +a
1 \ - E /
3
\ 1 .4 - L. 4 16
Dua vao bang bién thién ta co [r()n1n)v = v(gj = 3

A 4 + R r .7 . r A . 4
Vay van toc cua chat diém do dat gia tri bé nhat khi ¢ = 5

Cau50. (THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Cho mot tAm nhom hinh chir nhat c6
chiéu dai bang 10cm va chi€u rong bang 8cm . Nguoi ta cat bd & bon goc cua tam nhom dé bon
hinh vudng bang nhau, mdi hinh vudng c6 canh bang x(cm) , 10 gap tdm nhom lai (nhu hinh v&)

dé dugc mot cai hop khong nip. Tim x dé hop nhan duge co thé tich 16n nhat.

82421 x_10—2ﬁ c x_9+ﬂ 9-+21
3 3 o9 3

Loi giai

Chon D
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Taco: h=x (cm) la duong cao hinh hop

Vi tim nhém dugc gz?ip lai tao thanh hinh hdp nén canh day cua hinh hop la: 10-2x (cm) va

8—2x (cm)
Véy dién tich ddy hinh hop S =(10—2x)(8—2x)(cm’ ). Ta co:
x>0
x>0
10—2x>0<:>{ < xe(0;4)
x<4
8-2x>0

Thé tich ciia hinh hop la: ¥ = S.h = x.(10 - 2x).(8 - 2x)
Xét ham s6: y = x.(10-2x).(8 —2x) Vx € (0;4)
Tacd: y'=12x>-72x+80 ;

:9+;/ﬁ o4 (l)
y'=0&
9-21
K T 4
3
V' + 0 —
9-/21

Suyra véi x =

3 thi thé tich hop 1a 16n nhat va gia tri 16n nht.

Cau 51. (GKITHPT VIET PUC HA NOI NAM 2018-2019) Mot doan ctru tro 1d lut dang o vi tri 4 cia
mot tinh mién trung mudn dén xa C deé tiep teé luwong thyuc va thuéc men. B¢ di dén C, doan curu
trg phai chéo thuyén tir 4 dén vi tri D véi véan toe 4(km/ h), rdi di bd dén vi tri C véi van toc
6(km/h). Biét A cach B mot khoang Skm, B cach C mot khoang 7km (hinh v&). Hoi vi tri
diém D cach A bao xa dé doan ctru tro di dén x3 C nhanh nhét?

'A
5 km
D
B o =
7 km
A. AD =53 km. B. AD =25 km. C. AD =52 km. D. AD =3/5km.
Loi giai

Chon B
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Cau 52.

A

5 km
D C
B X )
7 km
bat AD:x(km),(x>0). Ta co
BD = AD? - 4B* =/x* -25 (x>5)
CD=BC-BD=7-+x*-25
p— 2_
Thoi gian di tir A dén C Ia: T(x)= 222X, T-V¥ =23
4 6 4 6
, 1 —2x 3\/x —-25-2x
T(x)z .
4 124x?-25  124/x?-25
T'(x)=03Wx’ -25=2x = x =35
Béng bién thién
x 5 35 +o0
T’ + 0 -
29
T _ +o0
12 \ /
14+55
12
Do d6 min 7T'(x ) (3[) 14+5\/_

xe[ 53400

Viy AD =35 (km).
Dang 5. Pinh m dé GTLN-GTNN ciia ham s6 théa mén diéu Kkién cho truéc

(MA DE 123 BGD&DT NAM 2017) Cho ham s y :“_’11 (m 1a tham sé thuc) théa man
x_

If‘(zuz;r]l y =3. Ménh dé nao dudi day ding?

A.m>14 B.3<m<4 C. m<-1 D.1<m<3
Loi giai
Chon A
—1-
Taco y'= 1112
x—1)

*THI1. -1-m>0& m<-1suyra y ddng bién trén [2;4] suy ra

1[121{11]1f() f(2) ZZm 3o m=1 (loai)
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Cau 53.

Cau 54.

*TH2. -1-m <0< m>-1 suyra y nghich bién trén [2;4] suy ra

r[rzlar]l (x):f(4):4-;m:3<:>m:5 suyra m>4.

(PE THAM KHAO BGD & DT 2018) Goi S 14 tip hop tat ca cac gia tri cta tham sb thuc m sao
cho gia tri 16n nhét ciia ham s6 y:‘x3 —3x+m‘ trén doan [0; 2] bang 3. S6 phan tir cia S 1a

A.0 B.6 C.1 D.2
Loi gii
Chon D
Xét ham sd f(x)zx3 —3x+m,tacod f'(x)=3x2 —3. Ta c6 bang bién thién cta f(x) :
x 0 1 2
F® - o0+

+m

m 2

f© | T am

THI:2+m<0=m<—2.Khido max‘f(x ‘:—(—2+m):2—m
[0:2]

2-m=3&m=-1 (loai).

2+m>0

THZ:{ " ~2<m<0.Khid6: |m—2=2-m>2>2+m
m<0

:>max‘f ‘—— 2+m =2—-m

[0:2]
2-m=3<m=-1 (thda man).

m>0

TH3:{ <0<m<2.Khido: |m 2| 2-m<2<2+m :>max‘f ‘—2+m

-2+m<0
2+m=3<m=1 (théa man).
TH 4: —=2+m>0<m>2 . Khi d6 %gic\f(x)\zﬂm

2+m=3<m=1 (loai).

(MA DE 110 BGD&DT NAM 2017) Cho ham sé y=2"" (m 1a tham sé thuc) thoa man
x+1
I[m? v+ rﬂ%f( y= % Ménh dé nao dudi day dung?
A. m>4 B. 2<m<4 C. m<0 D.0<m<2
Loi giai
Chon A
Taco y'= l—mz'
(x+1)

M Néu m=1= y =1, Vx#—1. Khong thoéa man yéu cau dé bai.
M Néu m <1 = Ham sb ddng bién trén doan [1;2].
16 16 m+1 m+2 16 .
Khi d6: miny+maxy=— < y(1)+y(2)=— <= ——+ =—< m=5 (loai).
pipyrmay =3 @r()ry2)=3 e 5T =g (loaD

M Néu m >1= Ham sb nghich bién trén doan [1; 2].
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Cau 55.

Cau 56.

Cau 57.

. 16 16 2+m 1l+m 16
Khi d@6: miny+maxy=—< y(2)+y(l)=— < t+——=—m=5(t/m
pinymaxy =< y(2)+ (1) 3 2 3 (t/m)

(CUM LIEN TRUONG HAI PHONG NAM 2018-2019) C6 mot gia tri m, cta tham sb m dé

ham s6 y=x*+ <m2 + l)x +m+1 dat gia tri nho nhat bang 5 trén doan [0;1]. Ménh dé nao sau

day la ding?
A. 2018m,—m; >0. B.2m,—1<0.
C. 6m,—m; <0. D. 2m, +1<0.

Loi giai
+Dgt f(x)=x"+(m’ +1)x+m+1.
+Tacé: y =3x* +m” +1. D& thiy rang ' >0 v6i moi x, m thudc R nén ham sb dong bién
trén R, suy ra ham s dong bién trén [O;l] . Vi thé r[lgll?y = r[r(}ll?f(x) = f(O) =m+1.
+ Theo bairatacd: m+1=5,suyra m=4.
+ Nhu vay m, =4 va ménh dé dung 1a 2018m, —m_ >0.

(SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) Tinh téng tit ca cac gia
tri ctia tham s6 m sao cho gia tri 16n nhat ciia ham s6 y =|x* —2x + m‘ trén doan [-1;2] bang 5.
A. -1. B.2. C. 2. D. 1.

Loi giai

Ta c6 y'=‘ 2X=2 0= x=1,

x> =2x+m

Do d6 yéu ciu bai toan twong duong max {y(—l),y(Z),y(l)} =5.
m—1]}=5.

2 b

<:>max{|3+m m

b 2

+ Truong hop m> -1, ta co max{|3+m m

m—1|}=5©|3+m|:5:m:2.

+ Truong hop m < —1 ta co max{|3+m m

Jm|Jm =1} =5 < |m-1=5=>m=-4.

b

Viy tong céac gia tri m bang —2.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Néu ham sb
y=x+m+1—x> cb gia tri 16n nhat bing 2v/2 thi gia tri cia m 1a
2 2
A.£. B. 2. C. 2. D. —£.
2 2
Loi giai

Xét ham s6 y = x+m++/1-x’
Tap xac dinh: D = [—1;1] .

Taco: y' =1- al

1—x*

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 43




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

1>x>0
1
1>X20 X =— 1
V0o VI-x® =x 1>x20 @{2 o, @ 2 Sr=
2 2 X = '
1-x">0 1-x" =x x=_i
J2

Ta co: y(-1)=—1+m, y(1)=1+m, y(%}=\5+m.

Do him s§ y =x+m++1-x* lién tuc trén [~1;1] nén Maxy = m++/2.
&

Theo bai ra thi Maxyzzﬁ, suy ra m+\/5:2\/5© m:x/z.
[-51]

Ciu58. (THPT LE VAN THINH BAC NINH NAM 2018-2019) Cho ham s y = ”T”f (m 13 tham
T
s6 thuc) thoa mén Ifll}n y = 3. Ménh dé nao dudi day dung?
0;1
A.1<m<3 B.m>6 C.m<1 D.3<m<6
Loi giai
Chon D
Tap xac dinh: D =R\ {—1} )
Voi m=1=y=1, Va €|0;1] thi miny = 3.

o

1— L
m khong doi dau trén tirng khoang xac dinh.

Suyra m = 1.Khido 3y’ =

2

(x-l—l)
TH1: ¢ >0« m <1 thi Ifli?y:y(O) = m = 3 (loai).
0;1

TH2: y' <0< m>1 thi rFiPy: y(l) = m = 5 ( thda man).
0;1

Caus9. (CHUYEN KHTN LAN 2 NAM 2018-2019) Téng gi4 tri 16n nhét va gia tri nho nhat cia ham
6 y=2 i’? trén [1;2] bang 8 (m 1a tham s thuc). Khang dinh nao sau day ding?
X
A. m>10. B.8<m<10. C.0<m<4. D.4<m<8.
Loi giai
Neu m =1 thi y =1 (khong théa man tong cua gia tri lon nhat va nhé nhat bang 8)

l—m
(x+l)

Khi d6 dao ham cta ham sb khong d6i du trén doan [1;2].

Néu m #1 thi ham s6 da cho lién tuc trén [1;2] va y'= =

m+l m+2 41
Do vay Min y+ Max y=y(1)+y(2)=——+ =8 m=—.
24 xe[l;Z]y xe[l;2]y y( ) y( ) 2 3 5

Ciu 60. (THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) Cho ham sé y =2x* —3x* —m
. Trén [—1;1] ham s6 c6 gid trj nhd nhéat1a 1. Tinh m?
A. m=-6. B. m=-3. C. m=—4. D. m=-5.
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Cau 61.

Cau 62.

Loi giai
Chon C
Xét [-1;1] c6 ' =6x" —6x.
5 x=0€[—l;l]
V=0 o6x -6x=0 < .
lee[—l;l]
Khi do
y(—l)z—S—m' y(O)——m' y(l)——l—m

Ta thdy -S—m<—1—-m<-m nenr[nllﬂy——S—m.

Theo bai ra ta co r[nlihly:—l nén -S-m=-1 <om=-4.

(THPT PONG SON THANH HOA NAM 2018-2019 LAN 02) Tim m dé gia tri 1on nhét coa
hamsé y = ‘xS —3x+2m— 1‘ trén doan [0;2] 14 nho nhét. Gia tri ciia m thudc khoang nao?

A. (—3;—1) B. (3;2) C. [-1;0]. D. (0;1).
2 3
Loi gidi
Xéthamsé y = f(x)=x"-3x+2m—1 trén doan [0;2].

x=-1¢[0;2]
-1 '
Tacé f(0)=2m—1, f(1)=2m—-3 va f(2)=2m+1

Taco f'(x)=3x*-3=0& {

Suy ra %cgc‘f(x)‘=max{ }=max{ }=
Truong hop 1: Xét [2m—3|>2m+1| < —4(4m-2)>0 < s%.
Khidé P=[2m-3|>2, vm<% Suy ra Pmm—2<:>m—%

Truong hop 2: Xét [2m—3|<[2m+1| < —4(4m - 2)<O<:>m>%

1
Khi do P:|2m+1|>2 Vm>§ Suyra P khong ton tai.

1
Vay m=—.
ay >

(HOC MAI NAM 2018-2019-LAN 02) Biét S 1a tap gia tri cia m dé tong gid tri 16n nhét va gia
tri nho nhat ctia ham s6 y = x* —m’x’ —2x* —m trén doan [0;1] bng —16. Tinh tich cac phan tir

cua S.

A. 2. B. 2. C. -15. D. -17.
Loi giai

TXD: D=R.

Taco: y'=4x’ —3m’x’ —4x
x=0

"=0< 4 -3m’ X’ —4x=0
Y 4" ~3m’x—4=0 (A=9m’ +64)
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Cau 63.

Cau 64.

x=0
3m?* +9m* + 64
S| x= 2 >1
3m?* —\9m* + 64
x= 2 <0

Nén ham s6 don diéu trén (0;1).

Tong gia tri 16n nhdt va gid tri nho nhit cia ham s trén doan [0;1] bing -16 nén
y(0)+y(1)==16 < —m+(-m* —=m—-1)=-16 < —m’ ~2m+15=0.

Vay m,.m, =-15.

(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi 4, B lan luot 13 gia tri nho nhat, gia tri
. , +m*+ . o , ,
16n nhat cia ham so y = rrm 1 ™ trén doan [2;3]. Tim tat ca cac gia tri thyc cua tham s m deé
x_

A+B:E.

2
A m=lm=-2. B. m=-2. C.m==%2. D.m=-1m=2.

Léi gidi
2
. +m’+
Xét ham so y:# trén doan [2;3].
-m* —m—1 *+m+3 +m+2
y=E T covxe[23]= 4= (3) =2 B=p(2) = S
(x—1) 2 1

13 m+m+3 m*+m+2 13 m=1
A+B=—< + =< :

2 2 1 2 m=-2
(THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Tim tt ca gia tri thuc cta tham sb

2
m déhamsd y = X Ametl lién tuc va dat gié tri nh6 nhat trén doan [0;2] tai mot diém x, (0;2)
xX+m

A.O0<m<1 B. m>1 C.m>2 D. -1<m<l1

Loi giai
Chon A

m<-2

. N ) -m<0 m>0
Téap x4c dinh: D =R\ {-m}. Ham s0 lién tuc trén [0;2] < &
—m >

2 2 2
Ta co y,:x * 2mx+ m —1:(x+m) ! Cho y’=0<:{
(x+m)2 (x+m)2

Ta c6 bang bién thién

x, =-m-1

X, =-m+1
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Cau 65.

- —oo €y —m 0o @2 2 + oo

y X/C\m +°°\\CT//'X

Ham sb dat gia tri nho nhét tai X, 6(0;2) nén 0<-m+1<2&<-1<m<l1

So véi diéu kién ham s lién tuc trén doan [0;2]. Tacoé 0<m<1.

CO THE GIAI NHU SAU:
Piéu kién xac dinh x #-m

Ham s6 lién tyc trén doan [0;2] nén —m £ [0;2]= {—m <0 - {m >0 e

-m>2 m<-2
L X+ 2mx+m’ —1 (x+m)2—l
y = 2 = 2
(x+m) (x+m)

y'=0c0 hai nghiém la {2 :=__’:1t11 ,

x,—x, =2 nén chi co nhiéu nhat mot nghiém thudc (O; 2)

Ta thly —m+1>-m—1,Vm va do d6 dé ham sé lién tuc va dat gid tri nho nhat trén [0;2] tai mét
diem x, €(0;2) thi 0<-m+1<2 < —l<m<1(**)

Tur (*),(**) taco O<m<1

(THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Goi S 1a tap hop tt ca cac gia tri

2
thuc cua tham sé m sao cho gia tri 16n nhét cia ham s y = w trén [1;2] bang 2. Sé
X+
phan tir cua tap S
A. 3. B. 1. C. 4. D. 2.
Loi gidi
Chon D
2 2 x=0¢]|1;2
Xeét y= XM gy o6r p(x) =22 p(x) =0 [:2]
1 (x+l) x:—2¢[l;2]
Ma f(l):2m+l’f(2):3m+4:>max _ |2m+1|;|3m+4|
2 3 27 || 2 3 |
M-
Truong hop 1: maxyzzm-i_1 =2 2
xe[1;2] 5
m=—=
2
* Véi m:§:> 3m+4 :1—7>2 (loai)
2 3 6
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Cau 66.

Cau 67.

Vi m=—2= P T 5 (thoa man)
2 3 | 6
m=—
Im+4 Im+d=6 3
Truong hop 2: max y = =2= = .
80P < T ‘ 3 {3m+4:—6 10
m=——
3
* Véi m:§:‘2m+1 :%<2 (thoa man)
i m=—0 o 12U 1T o)
3 2 | 6

Vay co 2 gia tri cua m thda man.

(THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Tim m d& gi tri nho nhat cia ham s
2
— _+_ N
f(x)= xomom trén doan (0;1) bang —2
x+1
=1 =1 =-1 +
A" B.|" c.|" . D. o221
m=2 m=-2 m=2 2
Loi giai
Chon C
2
Ta co: y'sz;_l<0,VmeR
(x+ 1)
= Hs ludn nghic bién trén [0:1]
:>Maxf(x) f(O)@ 24 2 & m=2
[0:1] m=-1

(THPT BACH PANG QUANG NINH NAM 2018-2019) Cho ham s y = =% 6 bao

cosx+2
nhiéu gia tri nguyén cua tham s6 m thudc doan [0; 10] dé gia tri nho nhét ciia ham s6 nho hon —2
(7

A. 1. B. 9. C.3. D. 6.
Loi giai
Tap xac dinh: D=R.
Ta co: y=1_mﬂ<:>ycosx+msinx=1—2y.
cosx+2

Phuong trinh ¢6 nghiém khi va chi khi: y* +m*> >1-4y+4y> < 3y" —4y+1-m* <0

@2— 143m? 2++1+3m’

3 VST 3
. 2 —1+3m?
mny=—"—"——<=2 ([[13m>8 [3m>>63 m> > 21
Theo dé bai, ta co: m €[0;10] < 1mel0;10] < <me[0;10] & me[0;10]
meZ meZ me me
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Cau 68.

Cau 69.

& me{5,6,7,8,9,10}.

Vay c6 6 gia tri nguyén cua tham s6 m thoa yéu cau bai toan.

(PE HQC SINH GIOI TINH BAC NINH NAM 2018-2019) Xét ham sb f

voi a, b 1a tham s6. Goi M 1a gia tri 16n nhét ctia ham s trén [—1;3] . Khi M nhan gia tri nho
nhét ¢6 thé duoc, tinh a +2b .

A. 2. B. 4. C. 4. D. 3.
Loi giai
Xét ham s6 f ‘x +ax+b‘ Theo dé bai, M 1a gia trj 16n nhat cua ham s6 tren[ 1; 3]
sz(—) M >|l-a+b|
Suyra ¢ M > f(3) <M 2|9+3a+b| = 4M 2|l-a+b|+|9+3a+b|+2|-1-a-b|
M= f(1) M = |l+a+b|

=>4M 28 =>M =22,
Néu M =2 thi didukién canla |l—a+b|=|9+3a+b|=|-1-a—b|=2 va l-a+b, 9+3a+b,
l-a+b=9+3a+b=-1-a-b=2 {a:—2

p= .

—1-a-b cing ddu &
l-a+b=9+3a+b=-1-a-b=-2 b=-

a=-2
Nguoc lai, khi {b— { ta c6, ham sd f ‘x —-2x— 1‘ tren -1; 3]

Xét ham sd g(x)=x"—2x-1 xéac dinh va lién tyc trén [-1;3].
g'(x)=2x-2; g'(x)=0=x=1e [—1;3]
M 1a gié trj 16n nhét cia ham s f(x) trén [-1;3] = M :max{‘g(—l

(3)};

9

g(l)‘} =2.

a=-2
Vay b 1.Tacc’>:a+2b=—4.

(PE HQC SINH GIOI TINH BAC NINH NAM 2018-2019) Cho ham s6 y=ax* +cx+d, a %0

c6 min f(x)=f(-2).Gid tri 16n nhat ctia ham s6 y = f (x) trén doan [1;3]béng
xe(—o0;0)
A.d-1la. B. d-16a. C.d+2a. D. d+8a.
Loi giai
Viy=ar'+cx+d,a#0lahamsébacbavaco min f(x)=f(-2)nén a<0 va y'=0 c6 hai
xe(—030)

nghiém phén biét.

Tacod y'=3ax’ +c=0co hai nghiém phan biét < ac <0.

Vay véi a<0, ¢>0 thi y'=0 c6 hai nghiém ddi nhau x = +,/—i

T d6 suy ra min f(x):f(— —%j —‘/——:—2<:>‘f =2&c=-12a
xe(—o030) a

Ta c6 bang bién thién
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x | —oo -2 0 1 2 3 oo

y' — 0 + 0 -
f2)

vl \f(_z)/ \%

Tasuyra max f(x)=f(2)=8a+2c+d =-16a+d.

xe[1;3]

Cau70. (CHUYEN THAI BINH NAM 2018-2019 LAN 03) Goi S 1a tap hop céc gia tri ciia tham sb m

x> —mx +2m

dé gi4 tri 16n nhét cia ham sd y = trén doan [—1;1] bang 3. Tinh tong tat ca cac

X —
phantircua S .
8 5
A, ——. B.5. C.-. D. 1.
3 3
Loi giai
1 £ xP—mx+2m . . 4
Xét ham so y=f(x)=—t n[ 1,1] cof(x)=1— >
X = (x—2)
x=0 3m+1 m+1
"(x)=0 ; f(=1)= ; F(0)=—m; f(1)=——.
Pe=0s| 70 =2 o) ()=
Béng bién thién
X -1 0 1
7' 0
/(%) /(0)
ey 20
Truong hop 1. f(0Y<0 < m > 0. Khi dé o

3=r[n%>]<‘f(x)‘:max{‘f(—l);f(l)‘}<:>3:max{$;m+l}<:>m+lz3<:>m:2.

Truong hop 2. /(0)>0< m<0.

. f(=1)=0 — B B

Kha ning 1. {f(l)ZO @mS—I.Khldo3—r[r_1ﬁl)]<‘f(x)‘—f(0)c>m——3.
. Lo [(51)20

Kha ning 2. —1<m£—§.Kh1 do {f(1)<0 : 3=r[1}12;11)];‘f(x)‘:max{f(0);f(l)‘}

< 3 =max {-m;m+1}: Truong hop nay vo nghiém.

£ (W):] (=1)[}: Vo nghi¢m.

2

1 .
Kha ning 3. -3 <m<0.Khido 3= r[n%)](‘f(x)‘ = max{f(O);
Vay c6 hai gia tri thoa man 1a m, = -3, m, =2 . Do d6 tong tat ca cac phan tir cia S 1a —1.
Cau71. (GKITHPT NGHIA HUNG NAM DINH NAM 2018-2019) Tim tit ca cac gia tri ctia tham s

m dé ham sd y = c6 gia tri 16n nhit trén R nho hon hoic bang 1.

X +x+1

A. m<l1. B. m>1. C.m=>-1. D. m<-1.
Loi gidi
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Chon A
+TXD: D=R.
+limy=0

X—>0

b= —x*=2mx+1-m
()62+x+1)2

Y =0 —x"-2mx+1-m=0 (*)
Al =m’—m+1>0,YmeR nén (*) c6 2 nghiém phan biét x, <x,, Vme R

+ BBT:
T | —oo T D) +o
vy — 0O + 0 -
” f(z2)
0 / \0
f(@1)
Vay ham s dat gi tri 16n nhat 1a f(xz):2 " Vi x, =-m+Nm’ —m+1
X, +
YCBT < ! <lel-2m+2ym* —m+121(vi f(x,)>0=2x,+1>0)
2m+2m* —m+1+1
m<0
oNm’-m+1>2me| [m20 o m<l
m’ —m+1>m’

Dang 6. Bai toan GTLN-GTNN lién quan dén dé thi dao ham

CAu72. (M 102 - BGD - 2019) Cho ham s6 f(x), ham s6 y= f'(x) lién tuc trén R va c6 do thi nhu
hinh vé.
YN

y=r"(x)

/ o \/2 ”x

Bt phuong trinh f(x)>x+m (m la tham sb thuc) nghiém dung v6i moi x € (0;2) khi va chi khi
A.me(O). B.m<f(0). C.me(Z)—2. D.m<f(2)—2.

Loi giai
Chen C

Xét bat phuwong trinh f(x)>x+m & m<f(x)—x.
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Cau 73.

Cau 74.

Xéthamsé g(x)= f(x)—x véi x€(0;2). Taco g'(x)=f'(x)-1.
g'(x)=0< f'(x)=1. Tir dd thi ta thiy duong thang y =1 khong cdt dd thi y = f"(x) tai batky
diém nao c6 hoanh do thudc khoang (0;2) nén phuong trinh f '(x) =1 v6 nghiém véi x (O; 2) .
Ta c6 bang bién thién nhu sau:

x 0 2

g'(x)

g[x] \

(do f'(x)<1véi xe(0;2)).
Tir bang bién thién ta thiy dé m< g(x) véi xe(0;2) ©m<g(2)om< f(2)-2.

(M4 103 - BGD - 2019) Cho ham s6 y = f(x), hamsd y = f'(x)lién tuc trén R va c6 do thi nhu
hinh v& bén. Bat phuong trinh £ (x) < 2x +m (m la tham s6 thuc) nghiém ding v6i moi x € (0;2)
khi va chi khi

Chon A
f(x)<2x+m

c>m>f(x)—2x
@mz%jazic[f(x)—h]

Ta tim max[f x —2x:|

bat g(x)=f(x)-2x

g'(x)=/"(x)-2
Vxe[O 2] f(x) 2<0
= max ¢(¥)=£(0)= 1 (0)

Vay me(O)

(M dé 101 - BGD - 2019) Cho ham s6 y = f(x), ham s y = f'(x)lién tuc trén R va co do thi
nhu hinh vé bén dudi
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Cau 75.

A
Y

v=f'(x)

\ 2 x
[ o\ ]
Bat phuong trinh f(x)<x+m (m 1a tham s6 thyc) nghiém dung véi moi x € (0;2) khi va chi khi

A.m> f(2)-2. B. m> f(0). C.m>f(2)-2. D. m> f(0).
Loi gidi

Chon D

f(x)<x+m <:>f(x)—x<m.

bat g(x) = f(x)—x xét trén khoang (0;2).

g'(x)=f"(x)-1.

Tir 6 thi ta thdy g'(x)= f'(x)—1<0 v6imoi x€(0;2). Suy raham s6 g(x)= f(x)—x ludn
nghich bién trén khoang (0;2).

Bit phuong trinh £ (x)<x+m (m 1a tham s6 thuc) nghiém dtng v6i moi x €(0;2) khi va chi
khi mZ{E}gg(x)zf(O).

(M dé 104 - BGD - 2019) Cho ham s6 f'(x), ham sé f"(x) lién tuc trén R va c6 d thi nhu

hinh vé.
YA
2 y=f(z)

xr
/ i \/ o
2

Bét phuong trinh f (x) >2x+m (m 1a tham sb thyc) nghiém dung véi moi x € (O; 2) khi va chi
khi
A. m< f(2)-4. B. m< f(2)—-4. C. m< £(0). D. m< f(0).

Loi giai

Chon B
Ham s6 g(x)=f(x)—2x nghich bién trén khoang (0; 2) vi g'(x)=f"(x)-2<0,Vxe(0;2)
(quan sat trén khoang (0; 2) , 36 thi ham s6 f '(x) nam duéi duong thang y =2).
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312 Iyzz

/ ¢ \/ 2
Suyra g(2)<g(x)<g(0),vxe(0;2).
Bét phuong trinh di cho nghiém dung véi moi x € (0; 2) khi va chi khi m < g(x), Vx e (0; 2)
om<g(2)ems f(2)-4.
Cau76. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham s y = f(x) xéc

dinh va lién tuc trén R, dd thi cia ham s6 y=f '(x) nhu hinh vé.
yy

-1 O \1 2/ T

[ \V

Gi4 tri 16n nhit cia ham sé y = f (x) trén doan [—1;2] la

A f(1). B. f(-1). C. £(2). D. 1(0).
Loi giai
x=-1
f’(x):0<:> x=1.
x=2

Tir db thi ham y = f '(x) ta co bang bién thién

x [—oo -1 1 2 +m
Y - 0 + 0 - 0 +

o ‘ £(1) +ao
: f[—lﬁl/ \‘fL )

Tir 6 suy ra gid trj 16n nhat cua ham s6 trén [—1;2] 1a £/(1).

Cau77. (THPT THIEU HOA — THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 f(x) ¢6 dao
ham 1a f'(x). Do thi cua ham s6 y=f'(x) dugc cho nhu hinh v& bén. Biét ring
£(0)+£(1)-2£(3)=f(5)- f(4). Tim gié tri nho nhat m va gid tri 16n nhat M cua f(x) trén
doan [0;5].
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A m=f(5).M=f(3)B. m=r1(5).M = (1)
C.m=f(0).M=f(3)D.m=f(1).M = f(3)

Loi gidi
Chon A
Tir d6 thi ta c6 bang bién thién cua f (x) trén doan [0;5]
X 0 3 S

f'(x) 0 + 0 =

/)
f() | P \f(s)

f(0
=>M=f3)va f(1)<f(3).f(4)<f(3)
S)=1(0)=r()=1(3)+/(4)-f(3)<0=f(5)<f(0)=m=/(5).

Cau78. (DE 04 VTED NAM 2018-2019) Cho ham s6 y = f(x). Hamsd y = f’(x) c6 bang bién thién nhu
sau.:

Bét phuong trinh f(e" ) <e" +m nghiém ding véi moi x (-1;1) khi va chi khi

X —o -2 3 420
420 1
[ (x) \ / \
_3 —n
1 1
Ame(l —l B.m>f(—1)—— C.me(—l)—— D.m>f(lj_l
e) e e e e) e
Loi giai

Chon A

Ta co f(ex)<ex+m<:>f(ex)—ex <m,xe(-L1).

bat g(x)zf(e")—e"khi do m>g(x)vxe(-L1)< m>Maxg(x).

[-1:1]
Xét g(x)= f(e")—ex trén [-1;1].
Co g'(x)=e"f(e*)—e"=e(/(e*)~1)<0vxe[-1;1] (Suy ra tir bing bién thién).

Do do 1[\llgzly]cg(x)=g(—l)=f(l)—l.

e e
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Vay m> 1[\41511)]cg(x) =g(-1)= f(lj—l 1a gi4 tri can tim.
-1 e) e

Ciau79. (CHUYEN LE HONG PHONG NAM DINH LAN 1 NAM 2018-2019) Cho ham s6 y = f(x)
c6 bang bién thién nhu hinh duéi day. Tim gi4 tri 16n nhat cia ham s6

g(x):f(4x—x2)+%x3—3x2 +8x+% trén doan [1;3].

X —o0 0 4 S0
) i T o
a0
f(x) \ ;
_3 / \ i
A. 15. B. é C. B D. 12.
3 3 -
Loi gidi

g’(x):(4—2x)f'(4x—x2)+x2—6x+8=(2—x)[2f'(4x—x2)+4—x]
V6i xe[1;3] thi 4—x>0; 3<4x—x" <4 nén f'(4x—x")>0.
Suy ra 2f'(4x—x2)+4—x>0, vxe[1;3].

Bang bién thién

X 1 2 3
T N 0 -
g g(2)
g(lj / \5(3]

Suy ra rﬂgfcg(x):g@) =f(4)+7=12.

Cau80. (THPT NGHIA HUNG ND- GK2 - 2018 - 2019) Cho ham s y = f(x). Him s6 y = f"(x) c6
bang bién thién nhu sau

T
2

T | —oo 0 +0o0

+ 00
f(x) \ 0
1 / \
— 00

Bat phuong trinh £ (x)>2"" +3m ding v6imoi x e (O;%j khi va chi khi

1

A.ms%[f(o)—zj. B.m<%[f(0)—2:|. C.mﬁé{f(%j—l} D.m<§{f(%)—l}.

Loi giai

Ta c6 f(x)>2cosx +3m V)CE(O,%j f— f(X)—2°OSx >3m vxe(o’gj
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Xétham g(x)=f(x)-2" trén (o;%).
Taco g'(x)=f"(x)+2° sinx.In2
Vi f'(x)=1 Vxe(O;%j; sinx >0 Vxe(O;%j =2"sinx.In2>0 Vxe(O;%j nén ta suy ra

gr(x):f’(x)+2cosx sinx.In2>0 VXE(O;%j,

Viy ta c¢6 bang bién thién

X0 5
g'(x) N
T
g(x) /,. g(7)
g(0)

Tir bang bién thién ta c6 yebt < g(0)23m < 3m< f£(0)-2 <:>m$%[f(0)—2]

Cau 81. (P& minh hoa 2019) Cho ham s6 y = f(x). Ham s6 y = f'(x) co bang bién thién nhu sau:

Bét phuong trinh f(ex ) <e" +m nghiém ding véi moi x e(-1;1) khi va chi khi

X — -2 3 +e
oo 1
I(x) \ / \
-3 —a
A. me(l 1 B. m>f(—1)—l C. me(—l)—l D. m>f(lj—l
e e e e e e
Loi giai

Chon A
Ta co f(ex)<ex+m<:>f(e")—ex<m,xe(—l;1).

bat g(x)zf(e")—e"khi do m>g(x)vxe(-L;1) < m=Maxg(x).

(-1:1]
Xét g(x)= f(e")—ex trén [-1;1].

Co g'(x)=e =e" f’ e" 1) <0,Vxe[-1;1] (Suy ra tir bang bién thién).

Do do 1[\4axg(x f(lj -
e

ml»—

—_—

Vay m=Maxg(x)=g(-

)= f[lj 1 1a gi4 tri can tim.
e

e
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Cau82. (THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 01) Cho ham s6 f(x) c bang
bién thién nhu sau:
x -1 0

3

k-

f(x)

)

[ S

1

Goi S 1a tap hop cac sd nguyén duong m dé bat phuong trinh f ( ) (x -3x" + 5) cO nghiém

thugc doan [-1;3]. S6 phan tir cua S 1a

A.3 B. V6 s C.2 D. 0
Loi gidi

Chon B

Goi g(x)=x"-3x*+5 trén doan

g'(x):O<:>3X2—6x:0<:>B
g(-1)=1Lg(0)=5g(2)=Lg(3)=5=1<g(x)<5,Vxe[-1;3]

f(x)Zm(x3—3x2+5),Vxe[ 3] < ,Vxe[- 1'3]<:>mSminM

(x) [-13] g(x)

Vihamsé f (x), ( ) lién tuc trén doan [ 1,3] suy ra ton tai gia tri nhé nhat ciia ham sb

trén doan [—1;3]

[ 13] g( )
Ciu83. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019 LAN 01) Cho ham s y = f(x) lién

tuc trén R. DO thi ctia ham s§ y = f'(x) nhu hinh bén. 3t g(x)=2(x)—(x+1)°. Ménh dé
dudi day dang.

Suyra me (—oo min f(x)} =S4 phan tir ctia tap hop S 13 v6 sd

Chon D

g(x):Zf(x)—(erl)2 :>g'(x):2f’(x)—2(x+1)

Dua vao d6 thi ta thz?iy
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x=-3
g'(x):0<:>f'(x):x+1<:> x=1

x=3
Va
VOl x € =3): f(x)<x+1=g'(x)<0

(—03-3)
v6i x e (-3 )‘f’(x)>x+1:>g’(x)>0,
v6i xe(1;3): f'(x)<x+1=g'(x)<0
V6i x e(3;40): f'(x)>x+1= g'(x)>0
Béang bién thién

—00 -3 1 3 +00
g'(x) - 0 4 0 - 0 +
g(x) \ / \ /
Duya vao bang bién thién suy ra I[na>]( g
Ciu84. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 3) Cho ham s6 y = f(x) c6 dao ham

cp hai trén R. Biét f"(0)=3, f'(2)=-2018 va bang xét dau ciia f"'(x) nhu sau:

T — ] 2 +oa

Jl-f-fr ‘ T ] - ( T
Ham sé y = f(x+2017)+2018x dat gi tri nhé nhét tai diém x, thudc khoang nao sau day?
A. (=;-2017) B. (2017;+w) C. (0;2) D. (-2017;0)
Loi giai
Dua vao bang xét ddu ctia f”(x) ta c6 bang bién thién ciia ham sd f”(x)

X —a0 0 2 +on

fr.r ( .'t'] T 0 _ 0 _

3

7 " . 2018 —
Piat ¢ =x+2017 .

Tacé y=f(x+2017)+2018x = f(¢)+2018/-2017.2018 = g(¢).
g'(1)=f'(¢t)+2018.

Duya vao bang bién thién cta ham s f '(x) suy ra phuong trinh g'(7) c6 mot nghiém don

a € (—0;0) va mot nghiém kép ¢ =2
Ta c6 bang bién thién g(¢)
Ham sb g () dat gia tri nho nhét tai 1, = o € (—o0;0).
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Suy raham sé y = f(x+2017)+2018x dat gia tri nho nhét tai x, ma
Xy +2017 € (—o0;0) < x, € (—0;-2017).

Cau85. (DE THI THU VTED 02 NAM HQC 2018 - 2019) Cho ham s6 f(x) lién tuc trén R va c6 dd

thi nhu hinh v& bén. Bt phuong trinh 2/ (x)+x" > 2m+3x” nghiém ding véi moi x € (-1;3) khi
va chi khi

A. m<-10. B. m<-5. C. m<-3. D. m<-2.
Huwéng din giai
Ta co 2f(x)+x3>2m+3x2<:>2f(x)>—x3+3x2+2m
Nhan xét {Elgf(x) = f(2) =-3
Dat g(x)z—x3+3x2+2m, Vxe( )
x=0
"(x)==-3x"+6x, g'(x)=0
g'(x)=-3x" +6x, g'(x) c{x )

g(0)=2m; g(-1)=4+2m; g(3)=2m va g(2)=4+2m
:>r(naxg() g(2)=4+2m

ycbt < 2{{1115f( )>r(nl;3))<g(x)<:>—6>2m+4<:>m<—5

Ciu86. (KTNL GV BAC GIANG NAM 2018-2019) Cho ham s6 f'(x) c6 dao ham trén R va c6 do thi
cua ham y = f'(x) dugc cho nhu hinh V.

v

LN
F/g/o T~

Biétrang f(-3)+ f(0)=f(4)+ f(~1). Gia tri 16n nhat va gi4 trj nho nhat cia f(x) trén doan
[-3;4] 1an luot 1a:
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Cau 87.

A. f(4) va f(=3). B. f(-3) va f(0). C.f(4) va f(0). D. f(2) va f(-3).

Loi giai
Chon B.
Dua vao d6 thi cia ham s6 y = f'(x) ta c6 bang bién thién ctia ham s6 y = f(x):
X ) 0 4 400
f(x) - |- 0 + 0 -

f(x) \ﬁ%f(o) /f(g\

£'(0)=£"(4)=0 nén x=0 va x =4 la hai diém cyc tri cia y = f(x).
T bang bién thién ta c6 min f(x)=f(0), dong thoi f(—1)>f(0). Do do:

[-3:4]
f(B)+f(0)=f(A)+ () & f(3)=1(4)=7(-1)-1(0)>0= f(=3)>f(4).
= I[I_lff]( f(x)=f(-3). Chon B

Cho ham s6 f(x) c6 dao ham 1a f'(x). D4 thi ctia ham s6 y = f'(x) dugc cho nhu hinh vé&
dusi day:

[ B T R  ——

X
Biétrang f(~1)+£(0)< f(1)+ f(2). Gid tri nhé nhat va gid tri 16n nhat ciia ham s6 y = f (x)
trén doan [—1;2] lan luot la:
A. f(1); f(2). B. 1(2); f(0). C. 7(0); f(2). D. /(1); f(-1).

Loi gidi
Tir d thi cia ham sé y = f'(x) ta c6 bang bién thién cia ham sé y = f(x) trén doan [-1;2]
nhu sau
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x | -1 0 1 2
v’ - 0 +
g f[—lj\ f(2)
f(':')\
f(1)
Nhan thiy
min f (x)= £ (1)

1 [Fn2]
) Pé tim r[r_llazy]gf(x) ta so sanh /(=) va f(2).

Theo gia thiét, £(=1)+£(0)< £ (1)+ £ (2) < f(2)-f(=1)> £ (0)-£(1).
Tir bang bién thién, ta c6 £ (0)—f(1)>0.Dodd f(2)-f(-1)>0< f(2)> f(-1).
Hay I[l_llé;lz)]if(x) =1(2).

Dang 7. Ung dung GTLN-GTNN vio bai toan dai s6
Cau 88. (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Tim tt ca cac gia tri tham s6 m dé
bat phuong trinh 6x + /(2 + x)(8 —x) <x’+m—1 nghiém dung véi moi x e [—2;8].
A. m=>16 B. m>15 C.m>8 D. 2<m<l16
Loi giai
Chon B

Xét bat phuong trinh: 6x+,/(2+x)(8—x) <x*+m—

(1), diéu kién x e[-2;8].
bat 1=/(2+x)(8-x), xe[-2;8]. Taco: ¢'= al

|
3

\/(2+x)(8—x)

,1'=0&x=3

Béng bién thién
X -2 3 8
t' + 0 —

t o//’ﬁ\»o

Suy ra ¢ €[0; 5]. Khi d6 (1) tr¢ thanh: £ +7-15<m (2).
Xéthamsd f(t)=1+t-15, f'(t)=2t+1>0, Vt €[0; 5]
Bét phuong trinh (1) nghiém dung véi moi x €[—2;8] khi va chi khi (2) nghiém dung véi moi

te[0;5] ©@max f(1)<mem=15.
[0:5]

Ciu 89. (GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Tim m dé bit phuong trinh

X+ 4 >m c6 nghiém trén khoang (—oo;1).

x—1
A. m<5. B. m<-3. C. m<l1. D. m<-1
Loi gidi
Chon B
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Cau 90.

Cau 91.

~ 4 4 (x-1) -4 x =3(])
f(x)—x+ﬁ:>f(x)—l = _Oz{xz—l(tm)

(x=1) (x=1)°

Bang bién thién

T |—oo —1 1
yr - 0 —
-3
y \
— 00 — o0
Vay m<-3
(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Biét ring tip nghiém
cia bit phuong trinh ~2x+4 -2v2—x 26x—2—4 1a [a;b]. Khi do gia tri cla biéu thirc
SvVx©+1
P =3a-2b bang:
A. B. 4 C. 2 D. 1
Loi giai
PbK: -2<x<2

6x—4 2x+4-4(2-x)  6x-4 50

f— =
sUxt+l V2x+4+2V2-x 5y 41

Tacod: V2x+4—-2J2—x >

< (6x—4) : L |0
N2x+4+242-x  5yx*+1

& (6v-4)| 5V 41~ (Vax+a+ 242 x) |2 0(1)

Xétham sd f(x)=+v2x+4+2v2—x véi 2<x<2

1 1 2 (2 VP
=\/2x+4—\/2_x:O@x:—E.Dodof(—gjzzx/g,f( 2)=41(2)=242

Suy ra 2J§sf(x)32\/€ ma 5vx*+1>5nén 5 x2+1—(\/2x+4 +2\/2—x)20

Taco f'(x)

() 6x-420cx Z%. Két hop voi diéu kién ta co tap nghiém 1a [%;2}

VayP=3a-2b=-2.

(CHUYEN LE QUY PON DPIEN BIEN NAM 2018-2019 LAN 02) Goi s 1 tap hop cAc gia tri
nguyén cta tham s m €[0;2019] d€ bat phuong trinh

x° —m+,[(1—x2 )3 <0 ding véi moi x e[-1;1]. S6 phén tir cua tap s bang
A. 1. B. 2020. C. 2019. D. 2.
Loi gidi
it 1=1-2* , voi xe[-1;1]= 1 [0;1]. Bét phuong trinh x* —m+4/(1-x*) <0 (1) 6 thanh

-t +1-m<0em= —*+1 (2)

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 63




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Cau 92.

Cau 93.

Bat phuong trinh (1) dung véi moi x e [-1;1]khi va chi khi bat phuong trinh (2) nghiém dung
. ] 32

v6i moi ¢ €[0;1]. Hay m Zn[qoffﬁ((t —t +1)c> m>1.

Mit khéc, m la s6 nguyén thude [0;2019] nén m e {1;2;3;...;2019}

Vay ¢6 2019 gia tri cia m thoa mén bai toan. ) ,
(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi M la gia tri 1on nhat ctia ham so6

f(x)=4vx* —4x+6 +4x—x" +1. Tinh tich c4c nghiém cua phuong trinh f(x)=M .
A 2. B. 4. C. -2. D. —4.

Loi giai
bit t =vx* —4x+ =«/(x—2)2 +2 2\/5.

Khi d6, M =max f(x)= [rﬁax)g(t), voi g(t)=—t*+4t+7 trén [JE, +oo).
2340

Co g(t)=—1+4t+7=11-(r-2)" <11, ddu ding thirc xay rakhi 1 =2 & Vx* —dx+6 =2
=242
ot dxr220 0| TSIV

x:2—\/5.

Nhu vay, M =max f(x)= [?ax) g(t)=11ex=2% 2, suy ra nghiém ctia phuong trinh
2;+00

f(x)=M la x=2%42.
Vay tich cac nghiém cua phuong trinh f (x) =M bang 2.

A - N 2 _ 2 _
(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho * ~*Y =2 Gia trj nho

. _ 2 2 .
nhitcaa £=X T+ bang:

A.g B.l C.l D. 2
3 6 2
Loi giai
Chon A
2 2 2 2
Xét£=x +xy+y =x2+xy+y2
2 2 X —=xy+y

+néu y=0thi x’=2.Dodé P=x"=2 suyra minP=2

+néu y #0 ta chia tir mau cho 1’ ta dugc

2

2 xz—xy+y2 (xj (XJZ
I—-| = [+| —
y y

2
it 1=, khido 2= 1HHC
y 2 1—-t+t
1+t+¢ —2t*+2
Xét f(t)= = (1) =—2L 2
t=1
'(1)=0
)

Bang bién thién
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Cau 94.

Cau 95.

t —5 | 1 40X
f'(t) - 0 + 0 -
1 3
f#) \1 / \
3 1

Khi d6 min£=l do do mianz.
2 3 3

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho x, y la cac sd thuc théa man
x+y=~x—-1+2y+2. Goi M, m lan luot la gia tri 16n nhat va nhé nhat cua
P:x2+y2+2(x+1)(y+1)+8,/4—x—y.TinhgiétriM+m
A. 42 B. 41 C. 43 D. 44
Loi giai

Chen C

2
(x+y)2:(\/x—l+\/§\/y+l) S3(x+y)<:>0£x+y£3
P=x2+y2+2(x+1)(y+l)+8 4—x—y=(x+y)2+2(x+y)+2+81/4—(x+y)
Pat t=J4—(x+y),t€[L2].
Taco: f(1)=(4-1) +2(4-1)+2+8 =1 ~10/* +81+26.
f'(t)=4r-20r+8

t=2e[1;2]
t=2
f'(t)=0< 2 0<:> t:—1+\/§,€[l;2]
=+ — | =
t=-1-2 g[1;2]

f(1)=25;f(2)=18.

Suy ra m=r[111;i2€1f(t)=f(2)=18;M=n[r113]xf(t)=f(1):25,

Vay M +m=43.

(KTNL GIA BINH NAM 2018-2019) Cho bat phuong trinh m(\/xz —2x+2 +l)+x(2 -x)<0.

Hoi ¢6 bao nhiéu s6 nguyén m khong nho hon —2018 dé bat phuong trinh di cho c6 nghiém

xXe [O;l+\/§] ?

A. 2018 B. 2019 C. 2017 D. 2020
Loi giai

Chon B
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Pt =Vx" ~2x+2,taco xe ;143 | = re[;2]. Vi £/ =2’ -2+ 2 & x(x-2) =1 -2,

2
Bat phuong trinh da cho tr& thanh m (¢ +1) <1’ -2 < m < -2 (1).

r+1
2 2
Xét ham sb f(t):ttJ:lz, Vte[l;Z].Tacc’) f’(r)=t(:fiz+)2:1+(tjl)2 >0,vte(1;2).
t 1 2
£t) +
2
) s

1

2

Bét phuong trinh di cho c6 nghiém x € [0; 143 } & Bat phuong trinh (1) cod nghiém 7 € [1; 2]
2
oms—.

Theo gia thiét m >—2018 nén ta c6 —2018<m < % Vay c6 tat ca 1a 2019 sb nguyén caa m thoa

yéu cau bai toan.
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