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Ly tain iy Thing Bl Blinh: ——— DAY THAT — HOC THAT - GIA TRI THAT

IBAI 1: MO HAU VIE SO IPHIUC

Bl[ CT/u?ng Dinh Dink

T 9. S phiic tiin hgp — o ot
i 4o ston et Korsi phie|z = a+ bi] (asb < R)
who i [F Zq]
’ S phiiic liin foglp csin 2 M :

“WM&M/M@W@
Mot sin s 0 [ =V V|

Nirwphis|z=a+Bi] (aib < R)

Becc riéis dicn boéi wiim M (a; b)) Lo mik™

pliing Gn (OXY)
Ox : MM/ Oy : Liwe io Bl[ Ojléng Dinh Dink
|z| = OM =a’® + b’
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vi DU MINH HOA

Vidul
Tim phan thyc va phan do cla sé phic z=3+2i H

i

W'Ta c6 z=3+2i suyraa=3; b=2.
Do d6 phin thyc biang 3va phin 4o bang 2.

Vidu 2
Tim m dé s6 phirc z=2m+(m-1)i la s6 thuan ao

o@’//ﬂi S6 phitc z=2m +(m-1)i c6 phan thwc: 2m, phan do: m-1.

¢ N 7 . N ~ “ 9 2m:O
bé s6 phitc z=2m+(m-1)i la s6 thuan o <:>{ 1;t0<:>m=0.
m_

Vidu3
Tinh modul cta s6 phitc z=1+ J3i.

o@i//ﬁi z=1+\/§i:>|z|=«,,12+(\/§)2 3

Vi du 4
Cho s0 phitc z=1+2i. Tim s6 phtrc lién hop cla z

i

i

oés giniz- S5 phirc lién hop 1a z=1-2i.

Vidu5
Cho s8 phttc z=6+7i. S8 phttc lién hop cla z co diém biéu dién hinh hoc cé toa dd bao nhiéu? H

i

W Tacd z=6+7i=z=6-7i.Viy z c6 diém biéu dién hinh hoc 14 (6;-7).

Ay
R S A
Diém nao trong bon diém A,B,C,D trong hinh vé bén biéu | 2
dién s6 phitc lién hop cua s6 phirc z . Biét z=-3-2i. 3‘ 4 13 >
R *‘D

Cho 4 diém M,N,P,Q la cac diém trong mit phang phtc theo tht tw biéu dién cac s6

—i, 2+1, 5, 1+4i. Hoi diém nao la trong tam cla tam giac tao béi ba diém con lai.

o(ﬁ}?//di Ta c6: M(0;-1),N(2;1),P(5;0),Q(1;4) nén diém N la trong tam cia tam giac MPQ.
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BAI 2: PHIEP TINH $© PHUC

Xt hai 6 phite [z = a+ bi),[z = a + bi|

& Cong tra hai Sé phite
z+z =(a+a’)+(b+b')i o

z+z =(a-a')+(b-b')i

- Nhin hai S5 phie

gg;“”\\ z.z' = (a.a'-b.b')+(ab' +a'b)i

{)\&
‘ Chia hai Sé phiee
£=a+bi=(a+bi)2‘z_1_1_ 1 a-bi
zZ a-bi a’>+b? |’ "z a+bi a®+b?

|z|=|;| ;z+z’=§+;;|z|2=z.;=a"’+b2
. z
z.z =z.2'; |z.2|=|2|.|2]| ; 2 = ||zJ|,(z' = 0)
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vi DU MINH HOA

Vidul

Cho hai s0 phitc z, =1+i va z =2-3i. Tinh Médun cua s6 phitcz, + z, .

o@’//ﬂé’?Tacé: z,+2,=3-2i = |z +2,|=13.

Vidu 2

Tim bd s6 thuc (x;y) théa man dang thic (2+x)+(1+y)i=1+2i.

\

(i gini Ta. co: (2+x)+(1+y)i=1+2i<:>{

&

2+x=1 x=-1
= .
l+y=2 y=1

E

Vidu3

Cho hai s phitc z, =1-2i, z,=x-4+yi v6i (x,yeR). Tim cdp (x;y) dé z, =z,

L i = . — x-4=1 x=5
o(ﬂ?//ﬂé‘Taco: 2, =1-2i=2z =1+2i z,=2, & =2 = yo2

i

Vi du 4

Cho hai s6 thuyc z, =(2x+3)+(8y—-1)i va z,=3x+(y+1)i. Tim cdp (x;y) dé z, -z, =0

2x+3=3x {x=3

(i gt z, — 7z, =0z, =z, < o I
g 5,-2, =07, =z, | 20 I S P

Vidu5

Tim phéan thuc va phan do cla s6 phirc z théa man (2-i)z=3+4i.

3+4i_(3+4i)(2+i)_2+11i_2+2i
2-1 SA=E 5 5 5

Véy phan thuc la a = % ; phdn do 1a b 2131.

z=3+4i<z=

~—

o giniz (2 i

Vi du 6

Tim s6 phitc zthoa (3+i)z +(1+2i)z=3-4i

o@i’y/ﬂ? Patz =x+yi,(x,y e R).
TacoB+i)z+(1+2i)z=3-4i < (3+i)(x—yi)+(1+2i)(x+yi)=3-4i
4x-y-3=0 {x=2

& =z=2+51
3x-2y+4=0 y=5

<:>(4x—y)+(3x—2y)i=3—4i<:>{

‘ Cho s8 phtrc théa man (2-3i)z+(4+i)z = —-(1+ 3i)2 . Tim Modun cua s6 phtrc z:

e gini- Goiz = x +yi,(a,b e R)= Z = x - yi thay vao phwong trinh (2-3i)z + (4 + 1)z = —(1 + 3i)’
S 2-3i)(x+y))+@+i)(x-yi)=8-6i &2x+2yi —3xi+3y+4x—-4yi+xi+y =8 - 61
S 2x+3y+4x+y)+i2y —3x -4y + x)=8-6i & (bx + 4y) + i(-2x - 2y) =8 - 61
6x+4y=8 x=-2
&
—2x-2y=-6 y=>5

Vay: z=-2+5i =] z|=[[-27 +5° =29

Ciang £ | Gite Wt et i .. 0 bs & st: Thong Dink Dink
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‘ Tim s6 phitc z théa man |z -2|=|z| va (z+ 1)(5 - i) la sé thuc.

Xevgini- Dit z=a+bi(a,beR).
|z—2|=|z|<:>|a—2+bi|=|a+bi|<:>(a—2)2 +bP=ad*+bP* =—-4a+4=0<=a=1.
w=(z+1)(§—i)=(a+1+bi)(a—(b+1)i)=(2+bi)(1—(b+1)i)=2+b(b+1)+(—b—2)i.

w lasdthvces-b-2=0=b=-—2.Viy z=1-2i.

Cho s6 phitcz=a+bi (aeR,beZ) théa man |z+2+5i=5 va z.z=282. Tinh gia tri cta biéu thirc

P=a+b

oW'Ta co |z+2+5i|=5<i>(a+2)2 +(b+5)2 =25<a’+b° +4a+10b+4=0 (1)
Ma z.z =82« (a+bi)(a-bi)=82 < a’+b* =82 (2)

Thay (2) vao (1) ta dwoc 2a+5b+43=0=a= —43-5b thay vao (2)ta co
b=-9
29b* +430b +1521=0 < : 169(l):>a=1.Vz?1y T=a+b=-8
~ 29

Cho s6 phitc z=a+bi (a,beR) théa man Z_l, =1va z—3.i =1. Tinh P=a+b.
zZ—1 zZ+1
o(ﬁ?’//aZ'Tacé
z-1 -1
z—i| - |z-1]=|z-1 la -1+ bi =|a+(b-1)i X (@-1P +b* =a® +(b-1)
z-3i_, |z-8i=[z+i] |a+®-3)|=la+®+1] |a’+B-3=a’+(b+1
Z+1

.Suyra P=a+b=2.

2a+1=-2b+1 a=1
= =
-6b+9=2b+1 b=1

€6 bao nhiéu s6 phirc » théa man |z =5 va z° la s8 thuan 4o?

ez gini- Ta c6 |z -1 =5 < (a) +(b-1)" =25 < a® +b* —2b—24=0(1)

Ma z° =(a+bi)2 =a’ —b* +2abi 1a s6 thuidn o khi a* -b* =0 (2)

h=4
Thay (2) vao (1)ta dwoc 2b° -2b-24=0 <:>[ 3 Khi do6

Véi b=4=a=14

V6i b=-3=a=+3. Viy c6 4 s6 phitc théoa man

BAI TAP REN LUYEN

Cuny 5 | Gite Whed o s ... v 0 bs & st: Thong Dinh Dinh
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ORI WIHI WHIPT QUOC GIlA 2020-2Q21
Khéi 12 - CHUONG 4

Cau 1: Phan 3o cla s6 phitc z=18-12i la

®. -12. ®. 12. ©. -12i. ®. 18.
QP e
Cau 2: Phan do cla s6 phitc z=4-5i la

®. -5. ®. 5. ©. 4. ®. —5i.
B
Cau 3: Phan 3o cla sé phitc z=3+2i bang:

@. 3. ®. 2. ©. 2i ®. 2.
o@’% e e et et ettt B s i Attt B b i e et et 5 e 1 00

Cau 4: Cho s6 phitc z=1+2i. S6 phtrc lién hop cua sé phic z c6 phan o la

@. -1. ®. 2. ©. 2. O. 1.

Cau 5: S6é phuc lién hep clia s6 phirc z=2-3i la
®. z=3+2i. ®. z=2+3i. ©. z=-2+3i. D®. z=3-2i.

N S A | —

Cau 6: S6 phirc z =—-iy/3 c6 moédun bang

®. 3. ®. 0. ©. 3. ®. 3.

Cau 7: Modun cia s8 phirc z=-1+3i bang

®. 8. ®. 10. ©. 242. ®. 10.
o@i’/ﬂi e e e e e e e e

Cau 8: S6 phtec lién hop cla s6 phic z=(2+i) 1a
®. z=3+4i. ®. z=3-4i. ©. z=-3+4i. D. z=-3-4i.

o(h’/wi ettt e e e e

Cau 9: Cho s6 phitc z=4-23i. Tim phan thuc va phin 3o cla sé phic z.
@. Phan thyc bang -4, phan a0 bang 3. ®. Phan thyc bang -4, phan 4o bing -3.
©. Phan thyc bang 4, phan 4o bang 3/ . ®. Phan thyc bang 4, phan 4o bang -3.

Ciang 6 | i Vhad i il ... 0 bs & st: Thong Dink Dinh
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N —

Cau 10: M6 dun cla s8 phitc z=(1-2i)" bing

®. 25. ®. 5. ©. 5. D. 3.
QP o
Cau 11: Phan 3o cla s6 phircz=(1- 2i)2

®@. 5. ®. 4. ©. -4. ®. -3.

R

Cau 12: Xét hai s6 phtc z,z,tiy y. Phat biéu nao sau day sai?

®. zz,=2.2,. ®. |z.2,|=|z|.]z|. ©. z,+z,=2+2,. O. |z +z,|=|z|+|z)|.
Cau 13: Phan 3o cua s6 phic z=(5-1i)i la

®@. 5. ®. 5i. ©. -1. . 1.
P SR = i Y S W

Cau 14: Tim modun cla s phic z biét (1-2i).z+3+i=0(1-2i)z+3+i=0 .
®. |z|=+2. ®. |z|=+3. ©. |z|=2. ®. |z|=3.
7P S W\l == S S

Cau 15: Cho s8 phitc z=-2+3i. Trén mit phang toa d6 Oxy, diém biéu dién s phic z la diém c6 toa
doé 1a
@. (-2;3). ®. (3;-2). ©. (3;2). ®. (-2;-3).

R —

Cau 16: Trén mit phang toa d6 , diém biéu dién s phic z=-5+8i la diém nao duvéi day

@. (-5;8) ®. (5;8) ©. (5;-8) ®. (-5;-8)
QAL

Cau 17: Trong mit phing toa dé6 Oxy, diém biéu dién sé phic z = (3 —2i)2 co toa do la
@. Q(5;-12) . ®. N(13;-12) .
©. M(13;12). D. P(5;12).

S

Cau 18: Trong mat phing toa dé Oxy, s6 phitc z=2-3i duoc biéu dién béi diém nao sau day?

@. 0(3;2). ®. N(23). ©. P(-3;2). O®. M(2-3).

Ciang 7 [ Gt Wed i ... 0 bs & st: Thong Dinh Dinh
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S
Cau 19: Diém M (3;-1) la diém biéu dién s6 phic nao sau day ?
@®. z=3-i. ®. z=-3+i. ©. z=-1+3i. O. z=1-3i.

Cau 20: Cho sé phirc z=5-3i. Trong cac diém duéi day, diém nao biéu dién sé phic z ?

@. P(-5;3). ®. M(5;-3). ©. N(5;3). ®. Q(-5;-3).

BANG DAP AN

| 1A | 2A [ 3B | 4c | 58 | 6c | 7D | 88 | 9.c | 108 |
L nc | 120 | 13.A | 14A | 154 | 16.A | 17.A_| 18.0 | 19.A | 20.C |
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ORI WHIN THIPT QUOC Gl & 2020-2021
Khéi 18 - CHUONG 4

S6 phitc z=2+3i co6 diém biéu dién trén mit phang toa dd la

®. Q(2;-3). ®. N(2;3). ©. M(-2;3). O. P(-2;-3).

Cau 2: S¢ phtrc nao sau day c6 diém biéu dién la M(1;-2)?

®. -1-2i ®. 1+2i ©. 1-2i O. 2+i

R —

Cau 3: Difm nao biéu dién sé phitc lién hop cta sé phttc z=2-3i?

@. M(2;-3). ®. M(23). ©. M(-2;3). ©®. M(-2-3).
S —

Cau 4: Trong mit phing toa dé Oxy, cho s phitc z=-4—5i, diém biéu dién s8 phtc z c6 toa do la

@. (4;-5). ®. (-4;5). ©. (-4;-5). D. (5;-4).

Cau 5: Goi A va B lan lwot 1a diém biéu dién cia s phitc z, =3 -2i va z, =1+4i. Trung diém cua doan
thing AB co6 toa dd la

@. (21). ®. (4;2). ©. (1-3). ®. (23).

Cau 6: Trong mit phing Oxy cho cac diém A,B nhu hinh vé

Trong tam cua tam giac OAB 1a diém biéu dién cluia s§ phirc nao sau day ?

1 4. ) . 4 1.
T ®. ——=i. R R
® 3 3 ® 3 3 © 3 3 © 3 3

c@'//ﬂi e e e e e e e e e e e e e e e e e et e e

Cau 7: Trén mit phing Oxy cho cac diém nhw hinh bén. Diém biéu dién s6 phic z=-3+2i 1a

@. diém N . ®. diém O. ©. diém M . O®. diém P.
o@’/fm’ e e e e e e e e e e e et e e e e e e e e e e e e et e e e e e e e
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Cau 8: Diém M trong hinh vé 1a diém biéu dién cla s6 phitc z . Tim phan thuc va phan o cua s phtrc

zZ .
T

@. Phan thuc la -3 va phan 4o la 2i. ®. Phan thyc la 2 va phan 4o 1a -3.
©. Phan thuc 1a 2 va phan do1a -3i. ©. Phan thuc 1a -3 va phan 4o 1a 2.

R

Cau 9: Trén mit phang toa do, s6 phirc z = -4+ 3i dwoc biéu dién béi diém nao trong cac diém A,B,C,D
?

@. biém C. ®. biém A . ©. biém D . ®. biém B.

Cau 10: S6 phttc nao dwéi day c6 diém biéu dién trén mit phang toa do la difm M nhu hinh vé ?

®. 2+i. ®. 1-2i. ©.l[2—1i. O. -1+2i.

Cau 11: Diém M trong hinh vé bén biéu dién sé phic z .

S8 phirc z bang
®. 2+3i. ®. 3+2i. O®. 3-2i.

Cau 12: Goi A, B lan luot la diém biéu dién cho hai s6 phlr'c z, =1+1 va z,=1-3i.Goi M la trung diém

cua doan thang AB. Khi do M la diém biéu dién cho sé phuc nao duwéi day?

@®. . ®. 1-i. ©. 2-2i. O. 1+i.

¥

Két qua (1+ z)2 bing
@. 2-2i ®. —2i. ©. -1+i. O. 2i.
QP -
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Cau 14: Trén mit phing toa dd Oxy cho diém M la diém biéu dién cia s6 phic z=3-2i. Toa do diém
do6i xtrng véi M qua truc Oy la
@. (-3;-2). ®. (3;2). ©. (-3;2). O. (3;-2).

Cau 15: DPiém M trong hinh vé bén la diém biéu dién cua s6 phirc z . Tim phan thuc va phan 4o cia s6
phtc z.

3

s
@. Phan thuc la-4va phan dola 3 ®. Phan thuc la 3 va phan 4o la—4¢
©. Phan thyc la 3 va phan 4o 1a -4 ©. Phan thuc la—-4va phan 4o 1a 3i

Cau 16: Cho bdén diém A, B, C, D trén hinh vé biéu dién 4 s6 phitc khac nhau. Chon ménh dé sai.

@. B la biéu dién s6 phttc z=1-2i ®. D la biéu dién sé phttc z=-1-2i
©. C la biéu dién s6 phitc z=-1-2i ©. A la biéu dién sé phttc z=-2+1

Cau 17: Goi A, B 1an luot la cac diém biéu dién cia cac sd phttc z=1-3i va w=-2+i trén mit phang

toa dd. Tinh @6 dai doan thang AB.

@®. i3 ®. 5 ©. \5 . 3
I S W O, & = = Rl /S W
Cau 18: Cho A, B, C twong (rng la cac diém trong mat phing phic biu dién cac sé phitc z, =1+2i,
z,=-2+5i, z, =2+4i. SO phirc z biéu dién béi diém D sao cho tt giac ABCD la hinh binh

hanh la
®. -1+7i ®. 5+i ©. 1+5i O®. 3+5i

P e ———
Cau 19: Trong mit phing phitc, goi A, B, C lan lwgt la diém biéu dién cia cac s6 phirc z, =3 +2i,

z,=3-2i, z, =-3-2i. Khing dinh nao sau day la sai?
@. B va C d6i xtrng nhau qua truc tung

®. Trong tam clia tam giac ABC la diém G(I;%J

©. A va B d6i xirng nhau qua truc hoanh
D®. A, B, C nim trén duong tron tam la géc toa d6 va ban kinh bang 13 .

N

Cau 20: Goi A,B,C lan lugt la cac diém biéu dién cta cac s6 phtc z, =2, z,=4i, z, =2+4i trong mit
phéng toa dd Oxy. Tinh dién tich tam giac ABC.
@. 8 ®. 2 ©. 6 D. 4

B

Ciang 11 | Gt Whed e i ... 0 bs & st: Thong Dinh Dinh
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| w8 | 2c | 3B | 4B | 5A | 6A | 7B | 8B | 9D | 10
L n.c_ 128 | 3.8 | 14A | I5.C | 168 | 17.8_| 18.8 | 19.8_| 20.D_

ORI WHIN THIPT QUOC Gl & 20202021
Khéi 18 - CHUONG 4

DAY THAT - HOC THAT - GIA TRI THAT
PHAN PE BTRL CAC PHEP TOAN SO PHUC CB - VDT — T™MI
Cau 1: Cho s8 phitc z=1+2i. Diém nao sau day biéu dién s6 phttc w=z+iz trén mit phing toa d6?

@. P(-3;3). ®. M(3;3). ©. 0(3;2). D®. N(2;3).

o@'//ﬂi e e e e e ko e e e e e e e e e e e e o i 5 1 1

Cau 2: Cho hai s6 phitc z, =a+2i va z, =1-bi, véi a,bcR. Phan 4o cla s6 phitc z, + z, bang

@. 2-b . ®. (-2-b)i. ©. a+1. ®. 2-b.

Cau 3: Cho hai s phitc z, =3+2i va z, =2-3i. Phin 4o cla s8 phttc z =(z, +3)(z, —1) bing

@. -16. ®. 12 ©. -16i. D. 12.
®. 12+9i. ®. 9-12i. ©. 9+12i. D. 12-9i.

Cau 5: Cho hai s8 phitc z, =5-6i va z, =2+ 3i. S8 phitc 3z, -4z, bang

®. -14+33i. ®. 23-6i. ©. 26-15i. ®. 7-30i.

R —

Cau 6: Tim s8 phitc Z théa man: Z2+22=2-41

®. z=§—4i. ®. z=§+4i. ©. z=—§+4i. O. z=—-=-4i.

c(ﬁ'//ﬂi e e e e e e e e e e e e e e e e e e e e e e e

Cau 7: Cho hai s6 phitc z =2+i, z, =2-3i. Tinh gia tri biéu thic T =iz, +2z,|".
®. T=25. ®. T=1. ©. T=9. ®. T=16.
S —

—2 =
Cau 8: Co6 bao nhiéu s6 phitc z théa man |z|2 +|z| =50 va z+z=87

Cung 12 | Fite Weed i pl ...
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®. 4. ®. 1. ©. 2. O. 3.

Cau 9: Tim cac s6 thuc x,y biét (2x-y)+((2y+x)i=(x-y+1)+(x+y—2)i.
@. x=Ly=2. ®. x=2,y=-1. ©. x=Ly=-2. O. x=-2,y=1.

R

Cau 10: Cho s6 phttc Z théa man Z=1+3 Modun cia Z bing

@. \ho. ®. 242. ©. 2. ®. 4.

Cau 11: S0 phirc nghich ddo ctiia sé6 phirtc z=3-4i la

. . 3 4.
. 3+4i. . —+—=1. ., ———1. . —+—1.
®. 3+4i ®. g+gi © -5t O 55+3s!

Cau 12: Cho s phttc z théa man (-1+3i)z=1+7i. Téng phan thuc va phan 4o cia z bang

®. -6. ®. 3. ©. -3. O. 1.

Cau 13: Cho s6 phitc z théa man diéu kién (1+i)z+1-i=2+2i. S0 phirc lién hop cla z 1a

®. 1. ®. 2-i. ©. 2+i. O. -2-4i.

Cau 14: Cho hai s6 phitc z, =1+2i va z, =3+2i. Phan 4o cua sé phirc 2 bang

4 .

B

Cau 15: Cho hai s6 phitc z, =1-2i va z, =3-i. Tim s6 phirc lién hop cua z = %
Zl

@. z=1+i. ®. z=1-1i ©. z=-1-1i. O. z=-1+4i.

Cau 16: Cho hai s6 phitc z, =3+2i va z, =-2+iphin 3o cla s6 phirc Z bang
2,

@ =2 ®. —Li ©. =* o .
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Cau 17: Cho s8 phitc z=a +bi (a,beR) théa man z-2z=-1+6i. Gia tri a+b bang
®. 3. ®. -3. ©. 2. ©. -1.
QU o

Cau 18: Cho hai sé phitc z,, z, théaman zZz =4, |z,| = 3. Gia tri biéu thic P=|z|* +|z,[* bing
®. 25. ®. 7. ©. 19. D. 13.
S —

Cau 19: Gia tri thuc cia x va y saocho 3x+2+(2y—-1)i=-1+5i 1a

1 1
@. x=—§ vay=1. ®. x=-1vay=2. ©. x=§ vay=2. O. x=-1vay=3.

N

Cau 20: Cho s phttc z thdo man z(1-2i)+iz =15 +i. Tim moédun cia sb phitc z

@®. |z]=25. ®. |7/=5. ©. |z|=243. O. |z[=4.

Cau 21: Biét M(1;-2) va N(2;3) lan lwot 14 hai diém biéu dién cho hai s6 phitc z, va z,trén mit phang
toa d0 Oxy . Khi d6, s8 phuc z,.z, bing
®. 1+5i. ®. 8-i. ©. 2-6i. ®. 3+i.

N S W Sl === S S

Cau 22: Cho s8 phitc z théa man z+5=(z-2)i. Médun cia sd phitc da cho bang

®. V55 ®. @ o. ¥58 o. @

B

B3

Cau 23: Cho s6 phirc z=—%+?i. S8 phitc 1+ z+ z*> bang

®. 0. ®. 1. ©. 2-i3. 0. —5+—i.

R —

Cau 24: Cho s phitc z théa man (1+2i)z=1-2i.Phin 40 clia s6 phitc w=2iz +(1+2i)z bing

8. 3 3
®. —gl. . —g. © g ® _g.

R —
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Cau 25: Cac diém M, N, P, Q trong hinh vé bén 1a diém béu dién lan lugt cua cac s§ phic z,,z,,z,,2, .

Khi d6 w=3z, + 2z, + 2z, +z, bang

y
Mr ****************** 2
1 <P
3 -2 1 O 1 2 3 x
A 1 !
N i
Ffzf 7777777777 AQ
@, w=6+4i. ®. w=-6+4i. ©. w=4-3i. ®. w=3-4i.
S —
--------- HET---------

BANG DAP AN

B | 2.A 3.A
b | 120 | BB |
| 218 | 22.p | 23.A
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ORI WIHI WHIPT QUOC GIlA 2020-2Q21
Khéi 12 - CHUONG 4

Cau 1: Gias a, b 1a hai s6 thyc thoa man 2a +(b-3)i=4-5i v6i i la don vi do. Gia tri ciia a, b bang
®. a=1, b=8. ®. a=8, b=8. ©. a=2, b=-2. ®. a=-2, b=2.
QML e

Cau 2: Cho hai s6 phitc z, =1+2i va z, =2-3i. Phan 4o cla s6 phitc w=3z, -2z, la

®. 1. ®. 11. ©. 12i. O. 12.

Cau 3: Phin 40 cla s6 phitc z=5+2i - (1 +i)’ bang:
®. 0. ®. 7. ©. -7. @. 7.
o@’% e e ettt B 5 g . It 5 2 0

Cau 4: S8 phitc z=(2-3i)-(-5+1) c6 phin 4o bang
®. -2i. ®. —4i. ©. -4. ©. -2.

I S Sy S 4 = === 2 A A
Cau 5: Tim cac s6 thuc a va b théa man 4ai+(2-bi)i=1+6i voi i 1la don vi do.

®. a=—%,b=—6. ®. a=—%,b=6. ©.a=1b=1. ®.a=1b=-1.

o@'//dﬁ’ et e o i s e S5 O e e I e B et 1 i

Cau 6: Cho hai s6 phitc z, =3-7i va z, =2+ 3i. Tim s0 phttc z=2z, + z,.

®. z=1-10i. ®. z=5-4i. ©. z=3-10i. O®. z=3+3i.

R —

Cau 7: Cho hai s6 phitc z, =1+i va z, =1-i. Gia tri clia biéu thtc z, + iz, bang

@®. 2-2i. ®. 2i. ©. 2. D. 2+2i.
o@’%f e e e e e e e e e e e e e e

Cau 8: Cho sd phitc z=a+bi (a,beR) théa (1+i)z+2z=3+2i.Tinh P=a+b.

®. P=1. ®. P=-1. ©. P:—%. ®. P:%.

c@’/aﬂ‘ e e e e e e e e
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Cau 9: Néu hai s6 thuc x,y théa man x(3+2i)+y(1-4i)=1+24i thi x-y bang?
®. 3. ®. -3. ©. -7. D. 7.

Cau 10: Cho a,beR vathéaman (a+bi)i-2a=1+3i, véi i 1a don vi do. Gia tri a—b bang

®. 4 ®. -10 ©. -4 ®. 10

Cau 11: SO phirc z théa man 2z-3(1+i)=iz+7-3i la

®. z=4-2i. ®. z=4+2i. ©. z=€—§i. D. z=—+§i.

N

Cho s6 phitc z théa man z+(1-i)z=9-2i. Tim m6 dun cia z.
@. |z|=+21. ®. |2/=7. ©. |2|=+7. ©. |z/=+29.

Cau 12: Cho s6 phitc z théa man z+(1-i)z=9-2i. Tim m6 dun cua z.
®. |z|=+21. ®. |z|=7. ©. |2|=+7. . |z]=+29.
o@'y&é’ e st ettt It T s et 0 O, vt . 8 80

Cau 13: Téng phan thyc va phin do cia s§ phirc z thod man iz +(1-i)z =-2i bdng

®. 6 ®. =2 ©. 2 O. -6

Cau 14: Cho s6 phttc z théa méan 3z +(1+i)z=1-5i. Tim mé dun cia z

®. |z|=5 ®. |z|=J§ ©. |z|=\/1_3 O. |z|:J1_0

Cau 15: Cho s6 phircc z théa man z +(2+i)z =3+5i . Tinh médun cia s phirc z .

@. |z|=13. ®. |2|=5. ©. |7|=13. ®. |z|=+5.
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Cau 16: Cho s6 phtrc z théa man z+2iz=1+17i. Khi d6 |z| bing:

@. |z|=6. ®. |z|=+146. ©. |z|=10. ©. |z|=+58.

R —

5(z+i
Cau 17: Cho s6 phitc z théa man diéu kién ( | ) =2-i. M6 dun cta s phttc w=1+z+2z> bing
z

@. 2. ®. 13. ©. 2. O®. 13.

Cau 18: Co bao nhiéu s6 phitc z théaman |z-2+i|=|z+1-2i| va |[z+4-2i|= 327
®@. 3. ®. 1. ©. 0. . 2.
o@'y&é’ e e st e B e SO e e o . e e e el e i i e 8

Cau 19: Cho hai s6 phtrc z,, z, théaman |z,|=|z,| =1, |2, +2,|= J3 . Tinh |z, — z,|:
®. 1. ®. 2. ©. 3. ©. 4.
S

| ¢ | 2D | 3.A | 4c | 5 | 6B | 7.c | 8B | 9D | 10D |
L nB | 120 | 3.0 | 14.A | 15D | 16.A | 178 | 18.0 | 19.5 | 20.A |
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IBAN TMOMRI QU WHCIHI CrAIP IHICIP 1DUIERI RICY

A - ICHER THIUC CARN RO

I . —
: ,%étsép/ufc Z=x+¥yi, (x;yelR). Diém M(x;y) biéu dién 50 phiee 2.

|

\ Shi % qui tich didm M (x3Y) duoe bicu thi dusi dang phiong teink ede duong cong :

; |

 thuing gl i
Wit 6 phocing Lk g cons  Huitng iing) Disiing gip

i ,ﬂ’lﬁt 50 phitong trinh dwong cong (&té’ng Mng} thieong gdp

'V Duting thing A:ax +by +c=0].

|
Y Die bist: [y = 0| (tzue do), (true thee)

' V' Pazabol (P): |y = ax’ + bx + ¢|(a % 0)

| Kt tip hop bidu didn sé phite 2 ¢6 danyg |z+c|+‘z—c]:k,(c>0;k>0)

! Khi 3% véi F,(-¢;0),F,(c;0) ta cé [MF, + MF, = k

|

| V' Niu MF, + MF, = k =2¢ = F\F,| thi qujj tich diém M thugc « doan thing »

! FF,.

|

i V' Niu MF, + MF, = k > 2¢ = F\F,| thi qujj tich diém M thagc - éﬂqz »

| Xy

: (E):?+p:1,(a>b>0).

! i teue tin A A, =2a =k vi tue bé BB, =2b. Usi b’ =a’ - ¢’).

: Ay

| M B,

I Pl

| Al C‘ ‘ }Az <

| & Fl 0 1 F2 a ;

| -B|B, .
e e i I

Clany 1 / 0 bs & st: Thong Dinh Dinh



Cumy lai Mhic fay it l pby thate vao di lit cie npay hom nay 7 09411.02468— 0987.154.555

1B — Wil IDW RN RAIHI IHIQ 4

Tap hop tat ca cac diém trong mit phing phitc biu dién cho s8 phttc z théa man diéu kién z> = (2)2

argani-Goi z = x +yi(x,y € R) dwoc biéu dién boi diém M (x;y).
_ -0
z° =(z)2 o (x+yi) =(x-yi) ©2xy=0 < [:_ 0

Vay tap hop cac diém biéu dién s phirc z gdm ca truc tung va truc hoanh.

‘ Tim tap hop cac diém biéu dién s8 phic z sao cho |z-2i[=1.

rgaiz- Giasw z=x+yi (x,ycR)
|z—2i|=1<:>|x+yi—2i|=1<:>|x+(y—2)i|=1 o x° +(y—2)2 =1

Téap hop cac diém biéu dién s6 phirc z la mot dwong tron tam I(0; 2), ban kinh R=1.

Cho s6 phitc z théa man diéu kién 3<|z-3i+1/<5. T4p hop cac diém biéu dién cia z tao thanh

mot hinh phing. Tinh dién tich S cta hinh phang do6.

o@yéé’ Goi z=a+bi (a;beR).
Tacod 3<|z-3i+1/<5 < 3<|la+hbi-3i+1<5 ©9s(a—3)2+(b+1)2£25.

Do d6 tap hop cac diém biéu dién clia z1a hinh vanh khan giéi han béi hai dwong tron cé tam
I(3;-1) ban kinh lan lwotla3va 5.

Vivay S=mn(5"-3) = 16m.

Téap hop cac diém biéu dién cac sé phitc z thod man 2|z -i| = |z —z+ 2i| .

Xargawi- Goi 86 phitc z=x+yi, x,ycR..
2

Ta c6 2|z—i|:|z—5+2i|<:>2|x+(y—1)i|:|2(y+1)i|<:>x2+(y—1)2:(y+1)2 @y:%.

Do d6 tap hop cac diém biéu dién cac s phirc z thod man bai ra 1a mot Parabol

Téap hop cac diém biéu dién cac s8 phic z théa man |z + 4| +|z -4/ =10

argai- Goi M (x;y) biéu dién cta s6 phitc z=x+yi, x,yeR.
F,(-4;0) 1a diém biéu dién cta s8 phitc -4 +0i va F,(4;0) la diém biéu dién cta sd phirc 4+0i.
|z +4|+|z-4/=10 < MF, + MF, =10.

Suy ra tip hop diém biéu dién s6 phic z 1a Elip (E) nhin F, va F, lam hai tiéu diém cé phuong

2 2

trinh (E):;C—5+%=1.(E) c6 cac dinh A, (-5;0), A,(5;0), B,(0;3), B,(0;—3).
Ay
M 3 Bl
A - /// \\\\\\
1 4 _4 5A2 >
- F]_ O 1 FZ X
-3[B,
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Tap hop cac diém trén mit phing toa dd biéu dién s phitc z théa man ditu kién z.z + (z - 2)2 =9

largwiz- Goi z = x+yi(x,y eR) = Diém biéu dién cta s6 phirc z la: M(xy).
— — 2 2
z.z+(z—z)2:9 e+ +(2yi)' =9 & x* -3y’ =9 @%—%:1.

Cho s phirc z théa man |z|=2. Biét rang tip hop cac diém biéu dién s6 phirc w=3-2i+(2-i)z

la mot dwong tron. Tim ban kinh R cta dwong tron doé

Cach 1: Taco w=3-2i+(2-1i)z @z:—w;szi.Dét w=x+yi (x,yeR).
—1
Khi d6 z - XFYi=3+2t
2-1
. . _3 )i _3 2)i
Taco o] =0 o [SHYi=3+ 2], Pe=8+(w+2)] , _|x-3+(y+2)]
2-1 |2_1_| |2—l|

Slx-3+(y+2)i|=2[2-1 =|x-3+(y+2)]| =25 < (x-3)" +(y+2)’ =(2\/§)2.

Véy tap hop cac diém biéu dién s6 phirc w=3-2i+(2-1i)z 1a mot dudng tron cé ban kinh R=25.
Cach 2: Tacoé w=3-2i+(2-i)z ©w-3+2i=(2-i)z=|w-3+2i{=[2-i||z|=25.

Véy tap hop cac diém biéu dién s§ phirc w=3-2i+(2-i)z 1a mdt dwdng tron tam 1(3;-2) c6 ban
kinh R=25.

Trong mit phing toa dd Oxy , tim tap hop cac diém biéu dién s phic z thod man
|z -1 =|(1+1)7]

argwizc Gia skt z=x+yi, (x,yeR).

Theo bai ra

|z—i=|1+i) 2 o|x+(y-1)]=|(x-y)+(x+y)i o3P+ (y-1) =(x—y) +(x+y)

S xX+y’+2y-1=0 <:>x2+(y+1)2=2.

Vay tap hop cac diém biéu dién s6 phitc z 1a dwong tron tam 1(0;-1), ban kinh R=+/2.

Tim tit ca cac s6 phic z thoa digu kién |z +2i| = /5 va diém biéu dién clia z trong mit phing toa

do6 thudc duong thang d:2x+y-3=0.

gz Goi z=x+yi (x,yeR).
. ) 2
Ta. c6: {|Z+21|—\/§ C}{x +(y+2) =5

2x+y—-3=0 2x+y—-3=0
2 2 —1 = 2 _ = :2
x*+y +4y-1=0 o Sx® -20x+20 O<:> X Vay z=2-i
y=3-2x y=3-2x y=-

Vi du 10

Cho s6 phitc z théoa man |z +1-3i|=2. Biét tdp hop diém biéu dién s6 phitc w=(2-i)z-3i+5 la

mot duwong tron. Xac dinh tam I va ban kinh R cta duong tron trén.

gz Taco: w=(2-i)z-3i+5 o w=(2-1i)(z+1-3i)+6+4
S w-6-4i=(2-i)(z+1-3i)
=|w-6-4|=|(2-1)(z+1-3i) =25
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Goi M(x;y) la diém biéu dién s6 phitc w=x+yi (x;y € R)
lw-6-4i| =25 <|(x-6)+(y-4)]=25
& (x-6) +(y-4) =(245)

Viéy tap hop diém biéu dién s6 w la dwong tron tam I(6;4), ban kinh R = 245 .

1B — 1B A T AP IRIER ILW Y IER

ORI WHIN THIPT QUOC Gl & ZAZ0-20Z1

Khéi 18 - CHUONG 4

Lp Lain Tty Thing B Bisch: DAY THAT - HOC THAT - GIA TRI THAT
PHAN PE BTRL TiM TAP HOP BIEM CUA SO pHUC VD — T™MI

Cau 1: Trong mit phdng Oxy, goi A, B lan lwgt 1a diém biéu dién s phirc 1+2i va -2 +1i. Ménh dé nao

dudi day dung ?
@. Tam giac OAB tu. ®. Tam giac OAB déu.
©. Tam giac OAB vuéng va khong can. ©. Tam giac OAB vuéng can.

7 S S = (s =) S W,

Cau 2: Trong mit phang phurc, tap hop tat ca cac diém biéu dién s8 phic z théa man |z+3|=|z-i| 1a

duong thdng d. Tinh khoang cach tir géc toa do6 dén d

2 2
®. == ©. 1. . o

Cau 3: Tap hop cac diém biéu dién s phirc z théa man [2z-1|=1 la

@. Mbt duong thing. ®. Puwong tron c6 ban kinh bing % .
©. Mét doan thang. O. Puong tron c6 ban kinh bang 1.

o(h’/wi ettt e e e e
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Cau 4: Cho hai s6 phirc phan biét z, va z,. Héi trong mit phing phtec, tdp hop cac diém biéu dién cla

s6 phirc z 1a mét dvong thing néu diéu kién nao duéi day duoc théa man?
@. |z-2z|+|z-2,|=|z, -z, ®. |z-z,|=1.
©. |z-z]=1. D. |z-z]|=|z-z,].

Cau 5: Tap hop diém biéu dién sé phic z théa man zz =4 la duong tréon cé ban kinh bang:

®. 2. ®: 8. ©. . O. 4.

Cau 6: Trén mat phang toa dd Oxy  goi M la diém biéu dién hinh hoc cua s6 phuc z=-1+2i va a la

goc lugng giac co tia dau Ox, tia cudéi OM . Tinh tan2a.

-3 —4 4
®. R ®. -1. ©. 5 O. 3
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®. DPuong tron tam I(3;-2), ban kinh R=5.
©. Puong tron tam 1(3;-2), ban kinh R=+5.
®. Duong thang vudng goc véi truc Oy .

R

Cau 8: Trén mit phang toa d9, tim tap hop diém biéu dién s8 phic z théa man: |z —i| <1
@. Hinh tron tam I(0;1), ban kinh R=2. ®. Hinh tron tam I(0;-1), ban kinh R=1.
©. Hinh tron tam I(1;0), ban kinh R=1.  ©. Hinh tron tam I(0;1), ban kinh R=1.

Cau 9: Trén mit phing toa d¢, tdp hop cac diém biéu dién s8 phic z=x+yi(x,y<eR) théa man
|z +2+1i|=|z - 3i| 1a dwong thdng c6 phuong trinh la
@. y=x+1. ®. y=—x+1. ©. y=x-1. O. y=—x-1.

Cau 10: Goi z;z, la hai nghiém phirc cla phuong trinh z° -2z +2=0. Tap hop cac diém béu dién cla
s6 phirc w théa man |w - z| =|w - z,| 1a dvong thang c6 phuong trinh

®. x-y=0 . ®. x=0 . ©. x+y=0 . D®.y=0.
QP

Cau 11: Xét cac s6 phic z théa man (z+ 2i)(§ + 2) la s6 thuan 4o. Biét rang tap hop tat ca cac diém biéu

dién cia z la mét duong tron, tam cla duong tron do coé toa dé la

@. (1;-1). ®. (-1-1). ©. (-11). ®. (1,1).
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Cau 12: Cho s6 phic z thdéa man |z|=2. Biét rang tdp hop cac diém biéu dién cla sé

w=3-2i+(2-i)z la mét duong tron. Ban kinh R cla dudng tron dé bang

®. 245. ®. 7. ©. 20. D. 7.

phuc

Cau 13: Xét s6 phic z théa man (Z + 2i)(z —2) la s6 thuan do. Trén mat phang toa do, tdp hop tat ca cac

diém biéu dién cac s6 phic 'z 1la mét duwong tron cé tam la diém nao duéi day?

@. 0(22). ®. M(11). ©. P(-2-2). ®. N(-1-1).

Cau 14: Trong mat phang phc, tap hop cac diém biéu dién sé phirc z théa man |z -3 -4i|=5 la:

@. Mbt diém. ®. Mét duong tron.  ©. Mét duong thang. ©. Mét duong elip.

R —
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Cau 15: Tép hop diém biéu dién s8 phic z théa man |z+5|+|z-5/=8 1a
@. Elip. ®. Puong tron. ©. Puong thing. 0. @.

R —

Cau 16: Tap hop tat ca cac diém biéu dién s6 phic z théa man ‘E+2—i‘ =4 la duwong tron c6 tam I va
ban kinh R 1an lwot la
@. 1(2;-1); R=4. ®. I1(-2;-1); R=2. ©. 1(-2;-1); R=4. ©. 1(2;-1); R=2.

o@'//d;’ e e e e

Cau 17: C6 bao nhiéu s6 phirc théa man |z-i=3 va |z—-6|+|z+6|=127
@. 3. ®. 1. ©. 2. D. 4.
N S SN =N S

Cau 18: Cho zeC,|z-2+3i|=5. Biét ring tap hop biéu dién sé phitc w =iz +12 —i la moét duong tron
c6 ban kinh R . Ban kinhR la
@. 245 . ®. 345. ©. 5. ®. 5.
S —

Cany 26 | i Woed a s ...




Cumy lai Mhic fay it l pby thate vao di lit cie npay hom nay 7 09411.02468— 0987.154.555

Cau 19: Ki hiéu A,B,Clan luot 1a cac diém biéu dién hinh hoc cla cac sé phic z =1+1; z, :(1+i)2,
z, =a—i, acR.Dé tam giac ABC vuong tai B thi gia trj cua ala:

@. a=3. ®. a=-1. ©. a=-3. ®. a=1.
QP

Cau20: Trong mit phing Oxy, Goi AB,C Iin lugt la cac diém biéu dibn cac s6 phic
z, =1,z,=1+3i,z, =a+ai(a e R). Biét rang c6 hai gia trj thyc cia a 1a a,va a, dé tam giac ABC
c6 dién tich bang 5. Tinh gia tri cia biéu thirc P=aq,.a,.

@®. P=-99. ®. P=99. ©. P=-24. ©. P=24.

BANG DAP AN

| wp | 2A | 3B | 4D | 5A | 6D | 7. | 8D | 9.C | 10.D
LB | 12A | 3.8 14.B | I5.0 | 16.C_|_17.C_| 18.D | 19.C_| 20.A_
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ORI WIHI WHIPT QUOC GIlA 2020-2Q21
Khéi 12 - CHUONG 4

Cau 1: Trén mit phing toa do,diém biéu dién sé phic z=(1+ i)2 la diém nao duwéi day?

@. P(0;-2). ®. Q(2;0). ©. N(12). ©. M(0;2).

o@e’fdé’ e e e e e e

Cau 2: Trén mit phdng toa do, diém biéu dién sé phic z= (1+2i)3 la diém nao dudi day?

@. P(112). ®. Q(-112). ©. N(11;,-2). ©. M(-11-2).

Cau 3: Trén mit phing toa do,diém biéu dién sé phic z=(2+ 3i)2 la diém nao duwéi day?

@. P(512). ®. Q(-5;-12). ©. N(12-5). ®. M(-5;12).
L

Cau 4: Trén mit phang toa dé Oxy , diém biéu dién s phic z=(1+ 3i)2 14 diém nao duéi day?

@. P(8;-6). ®. Q(-8;-6). ©. N(6;-8). O. M(-8;6).

Cau 5: Trén mit phing toa dé diém biéu dién s phic z =(1-3i)(2+i)la diém nao duéi day?

@. P(5;-5). ®. Q(-5;5). ©. N(5;5). ®. M(-1;-5).

Cau 6: Trong mit phing toa d6 Oxy, cho M, N, P lan lugt la diém biéu dién cla cac s phic 2+ 3i,
1-2i va -3 +i. Tim toa d6 diém Q sao cho t& giac MNPQ la hinh binh hanh.
@. Q(0;2). ®. Q(6;0). ©. 0(-2;6). D®. O(-4;-4).

c@'//ﬂi e e e e e e e e e e e e e e e e et e
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Cau 7: Goi M(x;y) la diém biéu dién cla s6 phic z=(1 —3i)2 +2i trén mat phing toa do, gia tri cla biéu
thttc P=x-2y la
®. P=-16. ®. P=-12. ©. P=o0. D. P=-4.

R —

Cau 8: Trong mit phang Oxy, difm A, B lan luot la cac diém biéu dién cac s6 phic 1-2i,3-2i. Trung

diém D cla doan thdng AB la diém biéu dién s6 phitc z nao sau day?

®. z=4-4i. ®. z=2-2i. ©. z=2. O. z=-1+i.

Cau 9: Cho s6 phitc z théa man z+18—3i =2iz. Diém biéu dién hinh hoc cla sé phitc z cé toa db

@. (4;-11). ®. (-4;-11). ©. (411). ®. (-4;11).

Cau 10: Trong khong gian véi hé truc toa dé6 Oxyz, cho ba diém A(1;2;-1), B(2;-13), C(-2;3;3). biém
M (a;b;c) la dinh th& tv cia hinh binh hanh ABCM , khi d6 P=a” +b* —¢” c6 gia tri bang
®. 45. ®. 42. ©. 44. D. 43.

O S S AN

Cau 11: Cho s8 phtrc z thay d6i théa man |iz +2+i=5. T4p hop tit ca cac diém biéu dién cla sé phic z
la mot dwong tron co6 tam I(a;b). Tinh P=1+a-2b .

@®. P=6. ®. P=-4. ©. P=5. D®. P=-3.
QUL o
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Cau 12: Biét rang tap hop cac diém biéu dién cho s6 phirc z théa man iz —1+2i| =4 la mét dudong tron.
Tim toa dd tam I cua dudng tron dé.

@. 1(12). ®. I1(-1-2) . ©. 1(21) . O®. I1(-2-1) .

Cau 13: Cho s6 phic z=x+yi (x,y €R) thoa |z+2i=3. Tap hop cac diém biéu dién cho s6 phirc z la
duwong tron tam I(a;b). Tim a+b.
®. 3. ®. -3. ©. 2. ®. -2.
B —

Cau 14: Trong mit phidng toa d6 Oxy, tdp hop diém biéu dién sé phic z théa man diéu kién
|zi—(2+1) =3 1a
@. (x—1)2+(y—2)2

9. ®. x*+y*-2x+4y+3=0.
©. (x-1) +(y+4)"=0. ©. (x-1)"+(y+2)"=9.

N S W i === ) S

Cau 15: biéu dién sé phirc z la dwong tron (x—l)2 +(y—3)2 =4 thi tdp hop cac diém biéu dién s8 phirc
z' la dwong tron nao sau day?
®. (x+1) +(y-3)" =4. ®. (x-1) +(y+3) =4.
©. (x+1) +(y+3) =4. . (x-1)+(y-4) =16.
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Cau 16: Cho s8 phuc théa |z|=3. Biét rang tdp hop diém biéu dién cho s8 phtc w=2z+i la mét duong

tron. Tim tam cda duong tron doé.

@. I1(-1;0). ®. I1(0;-1). ©. 1(1;0). @. 1(0;1).

Cau 17: Cho s8 phic z théa |z-1+2i=2. Biét tap hop cac diém biéu dién s6 phirc w=3-2i+(4-3i)z
trong mit phang Oxy 1a mét duong tron. Pudng tron nay c6 tam I, ban kinh r
@. 1(1;,-13),r=20 ®. 1(-113),r=20 ©. 1(-113)r=10 ©. I(}-13),r=10

Céau 18: Cho s6 phirc z théa man |z+2-i=1. Héi tap hop cac diém biéu dién s6 phic w=(1+2i)z la
duong tron tam I toa dd thé nao?
@. 1(-4;-3). ®. 1(43). ©. 1(3;4). D. 1(-3;-4).

o@'y&é’ e s ettt s S I s OO .o e i s

Cau 19: Trén mit phing phic, tdp hop biéu dién s8 phirc z théa man |z +mi > |(1 —1i) z| la duvong cong khép
kin (C). Gia tri dwong cla m dé dién tich (C) bang 8r la
®. m=8. ®. m=2\/§. ©. m=2. ®. m=1.

R —
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J10

Cau 20: Cho s6 phic z théa man (2+i)|z|=——+1-2i. Biét diém biéu dién cla s6 phic
z
w=(3-4i)z—-1+2i nam trén duvong tron tam I, ban kinh R. Khi do:

@. I1(-1-2);R=5. ®. I(12);R=5. ©. 1(-12);R=5. ©@. I1(};-2);R=5.

|« | 2 [ 3p [ 4D | 5.4 | 6C | 7.C
. n.s | 120 | 3.0 | 14D | 15C | 16.0 | 17.D | 18.A_| 19.C_| 20.C|
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1B — Wil IDW RN RAIHI IHIQ 4

‘ Goi hai can bac hai cua s6 phitc -8 1a w, va w,. Tinh S =2w? - w,* + 3ww, .

ezgai- Ta c6: —8=8.i*> nén hai can béc hai clia né la 2y2i va -242i
Do dé6: s=2w? -w,” +3ww, =-8+3.8=16.

‘ Tim cac can bac 2 cua 5-12i .

ez gani- Ta co:
o Cach 1:
Tim cac can bic 2 cia 5—-12i, tikc la di tim cac sé phitc x+yi (x,y € R) sao cho (x + yi)>=5—12i
on ta cin gidi he phuong trinh| © Y 0
nén ta can gidi hé phwong trin dxy=-12
Rut y tir phwong trinh thit hai thay vao phwong trinh th nhét, ta co:
x2—¥=5 x*-5x*-36=0 x*=9
e 6 < 6
y -8 |y =2yt
x x
x

Hé nay c6 2 nghiém: (3;-2) va (-3;2). Vay c6 2 can bic hai cia 5-12i la 3-2iva-3+2i.
o Cach 2:
Ta co: 5-121=9-2.2.3i-4=3 —2.2.3i+(2i)2 =3 —2i)

Tir d6 dé dang suy ra hai can bac hai cia 5—12i 1la 3-2i va -3+ 2i.

Cho phuwong trinh bac hai z* + 2z +5 =0 c6 hai nghiém c6 hai nghiém z,; z, . Tinh gia tri biéu biéu

thirc |z]" +2|z,).

, B i z, ==-1+21 ) .
azgai- Ta co: 22+22+5=0<:>L;:_1_2i. Do dé: |z +2|Z2|:5+2\/§

Vi du 4

Goi z,;z, la hai nghiém phtc (khong phai la nghiém thuc) clia phwong trinh z° -32z> +4z-12=0

. Tinh gia tri biéu thitc p=|z, — z,| .

=2i
7 o B 2 _ _ z=3 = % _ _
O@M z° -3z  +4z 12_O©{z:i2i {22:_21.—>P—zl—z2 =4.

Trén tap s6 phitrc, phwong trinh 2z? + az+b =0 (a,b e R) c6 hai nghiém z,, z,. Biét z =1+i, hay

tinh 2z + z,.

Cach 1: Vi 1+ la nghiém cta phwong trinh nén:

2(1+1) +a(1+i)+b=0 « (a+4)i+(a+b)=0 ca=-4=-b.

Do d6:22, + 2, =(2z, +2,) + 2, :—g+1+i:3+i.
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Cach 2: Vi z =1+ la nghiém cla phwong trinh nén z, =1-i cing la nghiém cta phwong trinh.
Khi d6 2z, +z, =3 +1.
Vi du 6

Goi z,z, la cac nghiém phtc cia phwong trinh z*-4z+5=0. Tinh gia tri biéu thitc

pP= (Zl _ 1)2017 + (22 _ 1)2017 .

Z:Z_l,. Khoéng mit tinh tong quat, gid st z, =2+i; z,=2-1i.
z=2+1

o@‘i’%‘Ta c6 z°-4z+5=0 @[

2017

Suy ra: P=(z, —1)2017 +(z2 - 1) =(1+ i)2017 +(1- i)2017. Lai c6: (1+ i)2 =2i va (1- i)2 =-21.
Suyra p—(1+0)[(1+ i) | + (- - o7 " = (11)(207 +(1-) (20

= (14).2% (<) + (1-1). 2% (1) Z (14 8).21%0 4 (1 — i) 21008 = 2,221 = 22019

Vidu?7

Ki hiéu z,z,1a hai nghiém phitc cia phwong trinh z°>+z+1=0. Gia tri cia biéu thic

P=2z?+z +z.z, bang:

z,+2,=-1
oz gaiz- Ta c6 P=22+22+2.2,=(2+2) -2.2,. Lai co { 7 = Pp=1-1=0.

.2, =1

Vidu 8

Ki hiéu z,z,,z,va z, la bén nghiém phtc cia phwong trinh z*+2z°-20=0. Tinh téng

T =|z| +|2o| +|2s| + |24

THNOC H ./
Xz gini: z“+22—20=0<:>t2 :45<3t:i12\/g T=|z1|+|z2|+|z3|+|z4|=‘i«/§‘+‘i\/§‘+|—2|+|2|=2«/§+4.
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1B B AN T AP IRIER ILW Y IER

ORI WHIN THIPT QUOC Gl & ZQ20-20Z1
Ehéi 18 - CHUONG 4

Lp Gain Dty Thing i Birchs DAY THAT - HOC THAT - GIA TRI THAT
PHAN PE BTRL PT BAC HAI SO pHUC C€CB — T™MI

Cau 1: Goi z, 1a nghiém phtc c6 phan do dvong cla phuong trinh z* +2z+10=0. Médun cla s6 phic

w=z, —i bang

@. 1. ®. 3. ©. 3. O. 5.

Cau 2: Goi z, la nghiém phtrc c6 phan 4o am cla phuong trinh 2z° -6z +5=0. Tim iz,
3

. 1 3. ! 1 3. ] 1 . . 3.
L iZg=—+—1. ®. iz,=—=+—1. L igy=————1. L gy =———1.
®. iz, 5t5 ®. iz, 51 ©. iz, 275 D. iz, 5

2 S S = (s ) S W,

Cau 3: Goi z,z, 1a hai nghiém phc cla phuong trinh z° —2z+3=0. Ménh dé nao duéi day sai?
®. |z|+|z|=2- ®. |z|=|z|- ©. zz,=3. D. z +z,=2.

Cau4: Gidslt z, =a+bi véi a,beR, b<0 la mét nghiém phirc cla phuong trinh 2z° -2z +5=0. Téng
a+ b bang
@. 2. ®. -2. ©. 4. ®. -1.

c(ﬁ'!/ﬂi e e e e e e e e e e e e e e e e e e e e e e e e
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Cau 5: Goi z,z,1a cac nghiém cua phuong trinh z° +2z+5=0. Gia tri cia ‘Zf‘ + ‘222‘ bang
®. 2434. ®. 445. ©. 10. D. 12.
S

Cau 6: Cho z, va z, la hai nghiém phtc cia phuong trinh z* +2z+5=0 . Trén mit phang toa do, diém
biéu dién s6 phic z,.z,1a diém nao duwéi day?

®. c@1;2). ®. Dp(1;-2)- ©. B(5;0). D. A(0;5).

Cau7: Goi z,z, la hai nghiém phtc cia phuong trinh z*-4z+8=0. Khi d6 biéu thic
K =|z|+|z,| - |z,2,]| bang

@. -42. ®. -8+442. ©. 8+42. O. a2.
S

Cau 8: Goi z, z, 1a hai nghiém phirc cia phuong trinh z* -2z +10=0, trong d6 z, c6 phaa do am.Tim
w=z +2z,.

@. w=3+3i. ®. w=3-3i. ©. w=-3+3i. O®. w=3.
i S S . - S

Cau 9: Ky hiéu z, 1a nghiém phic c6 phan o am cla phuong trinh z* —4z+13=0. Trén mjt phang toa
d6, diém nao duwéi day 1a diém biéu dién cla s phuc iz, ?

@. M,(3;2). ®. M,(2;3). ©. M,(2;-3). O. M,(-3;2).

B

Cau 10: Goi z, la nghiém c6 phan 4o am cla phuong trinh z° —2z+2=0. Médun cla s6 phic z, + i bang
®. V2. ®. 1. ©. 5. ©. 2.
L
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Cau 11: Goi z, la s8 phtc ¢6 phan o am cla phuong trinh z°> -2z +10=0. Médun cua sé phic z, — 2i
bang
@. 5. ®. 23. ©. J21. O. 26.

Cau 12: Goi z, la nghiém phirc c6 phan do am cda phuong trinh 2> —42z+8=0. Trén mit phéng toa do,
diém biéu dién cla s8 phic z, —i co toa do la

@. (-3;2). ®. (2-3). ©. (5;-2). @. (~2;-3).

Cau 13: Goi z,z, la hai nghiém phic cia phuong trinh 42> -4z+3=0. Gia trj cla |z | + |z,| bang
®. 32. ®. 243. ©. . . D. 3.
7 2 SN Wity Soushl === /ol S

Cau 14: Kihiéu z,z, la cac nghiém cia phuong trinh z* +2z+10=0. Gia trj cla |z,|.|z,| bang

®. 5. ®. 10. ©. g ®. 20.

R —

Cau 15: Goi z, la nghiém phic c6 phan do dwvong cla phuong trinh z° +6z+13=0. Toa dé diém biéu
dién cta s6 phirc w =(1+1)z, la

®. (5:1). ®. (-1-5). ©. (1;5). D. (-5-1).

R —
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Cau 16: Goi z,,z, 1a 2 nghiém phic cia phuong trinh 4z” -8z +5=0. Gia tri cia biéu thic |Zl|2 +|z2|2 la

®. 3. ®. 2. o 2. @.;

Cau 17: Phuong trinh z® +2z+10=0 c6 hai nghiém la z,,z,. Gia tri cla |z - z,| 1a

®.6 . ®. 3. ©. 4. O. 2.
o@i/rﬂ? ettt s 0 g BT TOIIIEIIESN s R s s 0 . 5 1.0 .5 1

Cau 18: Goi z,, z, 1a hai nghiém phtc cia phuong trinh z° -z +2=0. Gia trj clia ﬁ . ﬁ bing
Zl ZZ

®@. 4. ®. 2. ©. 11 O. 2¢2.
N S WA = == Dt S

Cau 19: Goi z,z, 1a hai nghiém phrc cla phuong trinh z*> -4z +13=0 trong d6 z, 1a s6 phitc c6 phan
3o am. Tim s6 phitc w= 3z, + z,.
®. w=-8+6i. ®. w=3+6i. ©. w=8+6i. O. w=8-6i.

Cau 20: Xét phuong trinh z2 +bz+c=0; b,ce R. Biét s6 phirc z=3-ila mét nghiém cia phuong trinh.

Tinh gia tri cla biéu thic P=b+c.
@. P=4,. ®. P=16. ©. P=8. ®. P=12.
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Cau 21: Co6 bao nhiéu gia tri nguyén dwvong cta tham sé » dé phvong trinh z* —2z+1-m” =0 c6 nghiém
phtc ; théa man |z|=2 ?

®. 1. ®. 2. ©. 4. . 3.
o@i/zﬂi e e e e e

Cau 22: Goi z,,z, 1a hai nghiém cia phuong trinh z*> —4z+13=0. Tinh gia tri cia biéu thuc (2, +2, )2.

@. 4. ®. 25 ©. 16. ®. 0.

Cau 23: Cho z,,z, 1a hai nghiém cla phuvong trinh z° -3z+10=0. Tinh S= (Z1 +2z, )2 -2z,
®. -1. ®. 0. ©. 1. ®. 7.
o@'y&é’ e e et s s s s I e M £ N e eff) e e e b e e i i e

Cau 24: Biét phuong trinh 2z° +4z+3=0 c6 hai nghiém phutc z,, z,. Gia trj cla |z,2, + i(z, +z,)| bing

5 7
@. 3. ®. > ©. " ®. 1.

R —

Cau 25: Tim tham s6 thvc ,» dé phuong trinh 2> —(7-m)z+17=0 nhén s6 phitrc z=4-1 lam mét
nghiém.

®@. m=-1. ®. m=1. ©. m=-2. O®. m=2.

@MI% 40 / Jile Y0o:d c6 phi. lién hé tic gid
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BANG DAP AN

ORI WIHN WHIPT QUOC Gl & 2020-2Q21
Ehéi 18 - CHUONG 4

DAY THAT - HOC THAT - GIA TRI THAT
PHAN PE BTRL PT BAC HAI SO pHUC CB - TM2

2 2 N
Caul: Goi z, va z, lan lugt 1a nghiém cta phuong trinh z? —2z+5=0.Gia trj cta |z, +|z,| bing

®@. 2. ®. 20. ©. 10. D. 245.

Cau 2: Goi z;z, 1a hai nghiém phitc cla phuong trinh z*-6z+10=0. Biéu thic |z, - z,| c6 gia trila

®. 6. ®. 2i. S D. 6i.

Cau 3: Goi z,1a nghiém phtc c6 phan 30 am cla phuong trinh z° +2z+5=0. Trén mit phing toa do
diém biéu dién z, c6 toa dé la

@®. (-2; -1). ®. (2;-1). ©. (-1;-2). O. @1 -2).
c(ﬁ'//ﬂi e e e e e e e e e e e e e e e e et e e

Cau 4: Goi z,, z, lan lvot la nghiém phuong trinh z? -2z +4=0. Gia tri cia 1 + 1 bang
Z, 2,

1 1
®. 2. ®. 5 ©. 2. ®. 5

o(ﬁ'/lﬂi e e e e

@MI% P74 / Jile Y0o:d c6 phi. lién hé tic gid
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Cau 5: Nghiém cla phuong trinh z° —z+1=0 trén tap sé phtc la

@. z=§+%i;z=§—%i. ®. z=B3+i;z=3-i.

+£i;z: —ﬁi. D. z:1+J§i;z:1—J§i.

©. z=

1 1
2 2 2 2

Cau 6: Goi z,; z, la hai nghiém cla phuong trinh z* +2z+10=0. Tinh gi4 trj biéu thic A=|z| +|z2|2.

@. 1043. ®. 52. ©. 2\h0. O. 20.

Cau 7: Ky hiéu z,, z, la nghiém cia phwong trinh z* +2z+10=0. Gia tri cla |z|.|z,| bang
5

@. 5. ®. o ©. 10. ®. 20.

o@'y&é’ e e st ettt e i S e I, .. . .1 w5

Cau 8: Kihiéu z,z, la hai nghiém phtc cla phuong trinh z° -6z +25=0. Gia tri cla |z, | +|z,| + z,.2,
bang
@. 31. ®. 37. ©. 33. O. 35.

o@’%f e e e e e e

Cau 9: Trong cac sé sau, s6 nao la nghiém cla phuong trinh 22 +1=z(zeC)?

®. 1+'\/§l 1—’\/5 © 1+\/§ ®. 1+‘\/§i.
2

2 ) )

R —
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Cau 10: Biét s6 phitc z=-3+4i la mét nghiém cla phuong trinh z° +az+b=0, trong d6 a,b la cac sé
thyc. Tinh a—-b.
@. -31. ®. -19. ©. 1. O®. -11.

R —

Cau 11: Goi z, la nghiém phd’c co phéin ao am cua phuong trinh 2> +2z+5=0. Trén mat phé{ng toa do,
diém nao duoi day la diém biéu dién s6 phuc w =i*°z,?

®. M(-2;1). ®. m(2:1). ©. M(-2-1). O. m(2-1).

S e

Cau 12: Phuong trinh bac hai z> +az+b=0, (a,b e R) c6 mét nghiém 1a 3-2i. Tinh S=2a-b.
@. S=25. ®. S=-32. ©. S=-25. O. S=32.
VS VR _ W

Cau 13: Biét s6 phitc z=-3+4i 1a mot nghiém cla phuong trinh z° +az+b=0, trong d6 a,b 1a cac sé
thuc. Tinh a—b.
@. -31. ®. -19. ©. 1. O. -11.

R —
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Cau 14: Ki hiéu z,z, la cac nghiém phtc cla phuong trinh 2z° +4z+3=0. Tinh gia tri biéu thic

P=|zz,+i(z +2,).
®. P=1. ®. P=g. ©. P=+3. O. P=g.

R —

Cau 15: Goi z, z, la hai nghiém phrc cia phwong trinh 2z* — 3z +7 =0. Gia trj cla biéu thic z, + z, — z,.z,

bang
3 S
®@. 5. ®. -2. ©. > ®. 5

Cau 16: Goi z,,z, la hai nghiém phrc cla phuong trinh z*> —2z+5=0. Gia tri cla biéu thirc z> + z2 bang

®. 14. ®. -9. ©. -6. O. 7.
o@i/ﬂ?’ et e ettt B et e ol et NP Tl . NI et

3 7 3 7

Cau 17: Hai sé phirc > +—1 va 5" ?i la nghiém cua phuong trinh nao sau day?

@. z°+3z+4=0. ®. z2-3z+4=0. @©. z°+3z-4=0. ©O. z*°-3z-4=0.

R —

Cau 18: Phuong trinh bac hai nao duéi day nhan hai sé phic 2-3i va 2+ 3i lam nghiém?
@. z*+4z+3=0. ®. z*+4z+13=0.
©. z°-4z+13=0. D®. z°-4z+3=0.

R

@MI% 74 / Jile 7001 6 phi. lién hé tic gid
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Cau 19: Goi z,,z, la hai nghiém phtc cla phuong trinh 2z? +/3z+3=0. Gia tri cia biéu thic z2 + z,?
bang

@.%. ®. 2 . ©.3. 0.2 .

R —

Cau 20: Goi z,z, la hai nghiém phirc cia phuong trinh 2z> —z+7=0. Tinh S= ‘zl Z, +2,.2,) .

®. 2L ©. 2. ®. L.

1
@.5. T >

N —

BANG DAP AN

@‘Zﬂly 45 / Jile Yo:d c6 phi. lién hé tic gid
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X gp Lo iy “Thiing Bk Blschi:

DAY THAT - HOC THAT - GIA TRI THAT
CUC TRI CUA SO PHUC

A - I\LW THIUC CARI RIMIO

Niu tip hop bidu dién sé phice z la diong thing A :|ax + by + ¢ = 0|. Khi %

THONG MATH
® |z |=0M_ =d(0,A). A\Ay
Dé tim 56 phite z ta di tim toa ¥ didm M . %4\
Usi M =OM ~ A, OM Ji qua diém O va vuéng véi A = >
1 \
o ‘

o

Niéu tip hop biéu dién 6 phize z la dong tion (C) : P y—b2=R2 cé
£ i 7

tim I(a;b) va bin kink R. Khi % A oM
o [Zaul=0M,, -0A-]10-R] >
¢ [z..|-0oM,  -0B-10+R b;

D tim 56 phize z ta di tim toa 36 dim M . 0

Usi M =OI ~(C), OI Ji gua diém O nhin OI lim otep

waw

THONG MRATH

2 2
,/ve"utgip/tgyzﬁl'e"u()ifnsépllt?czJdJMg&[p(E):%+%:1,(a>b>0).
Cs true lon A A, = 2a va twuce bé BB, = 2b. Khi % A

M bBl
® [[uw|=OM., OB, =b|>[z=xbt] A’ | "o Nt
AN T, Ol bow /0 x
® |z,.|=0M_ =0A =a|—|z-=1+d
-sz

Ciany 7 | ﬂ bs & st: Thong Dinh Dinh
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@ — Wl IDW RN Rl HI IHID 40

‘ Cho s8 phitc » théa man |z +i+]| :‘E—Qi‘ . Tim gia tri nhé nhit cia |z|.

o(ﬁ“//ﬂl’ Goi z=x+yi, ,yeR=>z=x—-yi.
Ta c6 |z+i+1|=‘§—2i‘:>|(x+1)+(y+1)i|=|x—(y+2)i|<:>x—y—1:0.
Tap hop s phirc 1a dwong thing A: x—y-1=0.

Khi d6 |2 —d(0,a)— L Y2

22

‘ Trong cac s6 phitc thda man diéu kién |z — 2 —4i|=|z - 2i|. Tim s8 phitc ; c6 médun bé nhat.

Céch 1: Gia sir 3 phirc cin tim c6 dang z = x +yi, (x,y € R) .

Theo d@é bai ta c6 |z -2 - 4i| =|z —2i|. Suy ra |x—2+(y—4)i|:|x+(y—2)i|
e(x-2V+(y-4Y =X +(y-2) o x=4-y.

Ta co |z| = + i =\[(4-y) +y* =2(y-2) +8.

Khi d6 min|z|=2v2 khi x=y=2.

Cach 2: Gia sit s6 phitrc can tim c6 dang z = x+yi, (x,y e R).

Theo d@é bai ta c6 |z -2 - 4i| =|z —2i|. Suy ra |x—2+(y—4)i| =|x+(y—2)i|
2 2 2
<:>(x—2) +(y—4) =x +(y—2) o x+y—4=0(A).
Suy ra tap hop cac diém M (z) trong mat phang Oxyz la duong thiang (A) .
Khi d6 |z|_ < OM,, = OM =d(0,A)=22.
Puong thiang OM qua O va cé VTPT n :a =(1; —1). Nén OM c6 phuwong trinh

x=2 .
<:>{ =>z=2+2i.

x—-y=0 y=2

‘ Xac dinh s8 phirc > théa man |z-2-2i{=+2 ma |z| dat gia tri 1on nhét

Xargiwiz Goi M (x;y) la diém biéu dién s phitc z=x+yi (x,ycR).

Khi d6 |7 -2-2i{ =2 < \(x-2) +(y-2)’ =v2 < (x—-2)" +(y—2)° =2. Suy ra tap hop diém M la
duwong tron tam 1(2;2) ban kinh R = J2.
|z| dat gia tri 16n nhit < oM, khi M la giao diém cia duong tron (x—2)2 +(y —2)2 =2 va duong
thang Ol : y = x .
2 2

Xet he: |(¥72) +(y=-2) =2 @{x:?’;y:?’

y=x x=Ly=1
Suy ra OM 16n nhit tai M,. Viy z=3+3i.

= M, (3;3), M, (1;1).

‘ Cho s6 phtrc > théa man: |(2+ i)z+ 1| =1. Tinh téng gia tri 16n nhit va gia tri nhé nhit caa |z -1

(z&_liJ_L_i
5 5) [2+] 5°

(2+i)z+1]=1 Q‘(2+i)(z+21ij

. 2 1.)
=l Z+———1
° 5 5

Ciany £8 [ fite 10020 c6 phic licn hé tic gia 0 bs & st: Thong Dinh Dinh
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Suy ra Quy tich cta s6 phtrc » 1la dwong tron tam I (—%,é) ban kinh r = % .

Xét diém A(1;0) ta c6 difm A ndm ngoai dwong tron. Goi M la diém biéu dién cta sd phirc z .

, 7V (1Y
bit M =MawcMA, m=minMA. Khi do M+m=Al+r+IA-r=2IA=2 [gj +[5J =2«/§.

Vi du 5

‘ V6ihai s6 phitc z, va z,théaman z +z, =8+ 6i va |z, — z,| =2. Tim gia tri lén nhit cia P =|z,| +|z,|

argawir Goi z, =x+yi ,(x,yeR).Tacd z +2,=8+6i=2,=8-x+(6-y)i
=2z -2,=(2x-8)+(2y-6)i = |z, —z,|=2(x-4) +(y-3)" =1 (1)
Ta c6 P=|z|+|z,| = x* +y +\/(8—x)2 +(6-y)’

:>Ps\/2[x2+y2+(8—x)2+(6—y)2] =2\/(x-4) +(y-3) +25 =226

= P,,. =226 dat duoc khi chikhi: x> +y* =(8-x) +(6-y)’

25-3
X = 4 Y thay vao (1) ta duoc :
4 19 17
: : ¥=375 V5T
25-3y - =
Y 5 Y 5 5
Vay P =226 dat dugc khi chi khi:z,z, e{%+§'; %+1—51i}.

Cach 2 : Goi M,N lin lwot la diém biéu dién cua s6 phirc z; z,
Goi P 1a dinh thtt tw ciia hinh binh' hanh MONP ta c6 z, + z, =8 + 6i < P(6;8)
|zl —22|:2 S MN =2

Vi MONP1a hinh binh hanh nén OM?® + ON* = %(MN2 +OP?)=52

Ta c6 P=|z|+|z,| = OM + ON < [20M* + ON?) =226

D4u bang xay ra khi MONP 1a hinh thoi.

Cho s6 phitc z théa man |z -3 -4i|= J5. Goi M,m Ian lwot la gia tri 16n nhit va gia tri nhé nhit

cta biéu thirc P:|z+2|2 —|z—i|2 . Tinh S=M?+m?.

Xergawi- Dat z=x+yi, (x,y eR,i> =-1).

|z—3-4i| =5 = (x—3)" +(y-4) =5. Tap hop diém biéu dién cia z la duong tron (C) tam I(3;4),
ban kinh R=+5.

P=|z+2|2—|z—i|2= (x+2)2+y2—(x2+(y—1)2) = 4x+2y+3.

biat A:4x+2y+3-P=0; Tatim P saocho A va (C) c6 diém chung.

bitu kién d(I;A)<R<[23-P|<10 <13<P<33 .Tac6: S=33>+13%=1258.

Cho hai s phitc z,, z, théa |z, -2 =1 va iz, -2|=1. Tim gia tri nhé nhit cia |z, - z,|.

oergani- Ta co |z, -2|=1 nén z, e dudng tron tam I(2;0) va ban kinh R =1.

Lai c0 iz, -2 =1 i(z, +2i)|=1=>|2, +2{ =1 nén z, e duong tron tam J(0;-2) va ban kinh R, =1.
M 1a diém biéu dién hinh hoc cta s6 phitc z,, N la diém biéu dién hinh hoc cia s6 phic z, ta co
MN =|z, — z,| = MN,, =1J~IM ~JN =22 -2

Ciang £9 [ fite 10020 c6 phic licn hé tic gia 0 bs & st: Thong Dinh Dinh
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‘ Cho s6 phitc z=a+bi, a,beR,a>0 théa man |z+4|+|z—4|=10 va |z| l1én nhit. Tinh S=a+b.

azgair Goi M (x;y) biéu dién clia s6 phitc z=x+yi, x,ycR.
F,(-4;0) la diém biéu dién cia s phirc -4 +0i va F,(4;0) la diém biéu dién cta s phirc 4+0i.
|z +4|+|z—-4|=10 © MF, + MF, =10.

Suy ra tap hop diém biéu dién s8 phirc , 14 Elip (E) nhin F, va F, lam hai tiéu diém c6 phuong
2 2

trinh (E):%Jr%:l. (E) c6 cac dinh A, (-5;0), 4,(5;0), B, (0;3), B, (0;-3).
Ay
M 3 Bl
A - /// \\\\\\
1 4 _4 5A2 >
S\ F, o 1 F X
3[B,

a:5:>S=a+b:5.
b=0

max

Tacé |z =OM,, =5 khi M=A, <z=5+0i vi a>0. Véy{

Xét hai s6 phtc z,z, théa man |z|=1|z,|=2 va |z -z,|=V3. Tim gia tri 16n nhit cta
P=[3z +z,-5i .

Cach 1: Goi z =a+bi,z,=c+di v6i a,b,c,deR.

Theo gia thiét ta c6: a® +b° =1, > +d° =4, (a—c) +(b-d) =3.

< a’-2ac+c® +b*-2bd+d”> =3=ac+bd=1. Tacod 3z +z,=3(a+c)+(3b+d)i nén
132, + 2,| = (Ba +¢)* + Bb +d) =9(a’ + b*)+ (c* + d°) + 6(ac + bd) =19.

Ap dung bit ding thic |z +z/| <|z| +|z], ta c6 |3z, + z, - 5i| <|3z, + z,| +|-5i = V19 + 5.
Cach 2: Goi A(x;;y,),B(x,;y,) la diém biéu dién 1an luot cho s6 phic z,,z,.

C6 OA=1;0B=2 va |7, - 7,| ~|0A - OF| = |BA| - AB= 3.

Nén Ae(0;1);Be(0;2) va tam giac OAB vuong tai A | Goi M (0;-5) la diém biéu dién cho s8 phirc
51i.

Cianyg 50 [ fite D002 c6 phic licn hé tic gia 0 bs & st: Thong Dinh Dinh
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Goi diém C sao cho OC =304 = 3z, +z,=0C+0B=0D v6i OCDB la hinh binh hanh.

Ta co: sin(AOB) =SB~ 5 = AOB = 60° = OCD =120° = OD? = OC? + OB? - 20C.OB.cos120° =19

AB 3
2
P =[32, + 7, - 5i =|30A + OB — OM| =|OC + OB - OM| =|OD - OM| = MD

=P _ <MD, =MO+O0OD=5++19

Viy gia tri 1én nhit cia P=+19 +5

Ciany 57 [ fite V0020 <6 phic lién hé tic gi 0 bs & st: Thong Dinh Dinh
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ID— 1B A T AP IRIERI ILW YA IER

ORI WHIN THIPT QUOC Gl & ZAZ0-20Z1
Ehéi 18 - CHUOUNG 4

3 3 3 3
® 5 ®. - ©. -=. © -5

N —

Cau 2: Biét rdng z 1a s8 phirc c6 médun nhé nhit théa man (z - 1)(5 + Qi) la s6 thyc . S6 phirc » 1a

1 3 4 . 4 2
Lz=1+21. ®. z=—+—1. . 21, . Zz=—+=1.
@. z 21 ®. z : 51 © O. z s 51

o@e’ﬂi e e e e e e e e e e e e e e e et e e et

Cau 3: Cho cac s8 phirc z, =—2+i,z,=2+i va s8 phtc , thay déi théa man |z-z[* +|z-z,[° =16. Goi

i nho nhit cla |z|. Gia trj cta biéu thite M? - m® béng

0 bs & st: Thong Dink Dink
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@. 8. ®. 11. ©. 7. O®. 15.
R —

zZ+2

Cau 4: Cho s6 phirc z=a+bi, (a, beR) théa man: 2
z+2i

la mét sé thuin do. Khi s6 phitc z c6 moédun

lén nhit, hay tinh a+b.
®. a+b=2J2-1. ®. a+b=4. ©. a+b=—4. ®. a+b=2J2.

+1

Cau 5: Goi M va m lan luot la gia tri lén nhat va gia tri nhé nhét cta P =‘QZ vdi z la sé phic khac

z

Cau 6: Cho s6 phttc z théaman |z—-2i|=m’>+4m+6 véi m la s6 thyc. Biét ring tap hop cac diém biéu
dién cla s6 phirc w=(4-3i)z+2i la duwong tron. Ban kinh cla duvong tron do cé gia tri nhd nhét
bang

®. \ho. ®. 2. ®@. 2.

0 bs & st: Thong Dinh Dinh
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N —

Cau 7: Cho s8 phic z thdéa man |z-2-2i=1. S8 phitc z-i c6 médun nho nhat la:
®. J5-2. ®. J5-1. ©. J5+1. O. V5+2.
o@’% e e e

Cau 8: Cho s phic z thdéa man |z|<2. Gia tri nho nhat cia biéu thic P =|z -3+ 4i| bang:
@. 5. ®. 3. ©. -3. ®. 7.
o@’%f e e e

Cau 9: Xét cac s phuc z,z, théaman |z, —2i|=3 va |z, +2+2i| =|z, + 2+ 4i|. Gia trj nhé nhét cla |z, - z,|
bang

@. 3. ®. 1. ®. 4

@MI% I / Jile Yo:d c6 phi. lién hé tic gid
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N —

(1+i)z
1-1

+2

Cau 10: Cho hai s6 phtc z va w biét chung thdéa man hai diéu kién =2; w=iz. Gia tri 16n

nhét cla M =|w - z| bang

@. 4. ®. 22. ©. 442. O. 2.

Cau 11: Cho s8 phic z thod man |z-2-3i|=1. Tim gia trj l16n nhit cla |z +1+1.
®. J13+3. ®. J13+5. ©. J13+1. ®. J13+6.
S

bs & st: Thong Dinh Dinh
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Cau 12: Giad st z,z, la hai trong s cac s6 phirc thod man ‘zz ++/3 - i‘ =2 va |z, — z,| =4 . Gia trj l6n nhat
clia biéu thirc |z,| +3.|z,| béng
®. 445. ®. 8.

O®. 8.10.

©. 2\1h0.

Cau 13: S6 phirc z=a+bi (a,beR) la s6 phirc c6 modun nhé nhét trong tat ca cac s6 phirc thod man

ditu kién |z + 31| =|z + 2 - i, khi d6 gia tri cia z.z bing

@ 1. ®. 5. ©. 3. 0. = .

5 25
2% S SR N ~ .~ W

Cau 14: Cho s6 phirc z=a+bi va s6 phirc lién hop cta né la z cé diém biéu dién trong mit phing phic
la A va D. S8 phtc (2+5i)z va lién hop cia nd cé diém biéu dién la B va C. Biét rang t& giac

ABCD la hinh chit nhat va |z + 3 —i| dat gia tri nhé nhat. Tim tich a.b.

80
®. 6o

80

®. —.
® 169

16

©. 6o

16

O. 69"
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Cau 15: Cho s6 phic z théaman |z -2+ 3i| = J5 va biéu thoc P= |z + i|2 - |z - 2|2 dat gia tri lén nhat. Tinh

Z2

3+41
@. A=5. ®. A=10. ©. A=4. O. A=+2.
o@'//ﬂ?’ e e e

Cau 16: Cho s6 phitc z théa man |z+z|+|z-z|=|2>|. Gid st M,m I3n lugt 1a gia tri 16n nhat, gia tri
nho nhat cda biéu thitc P=|z-3-2i|. Tinh M+m.
@. J2+3\5. ®. 5+4/5. ©. 2J3+45. ®. 10-45.

Cau 17: V¢i ai s6 phic z,, z, théoa man z +z,=8+60 va |z, —z,|=2. Gia trj lon nhat cla biéu thic
P=lz|+|z,| la:

@. 5+345. ®. 226. . 46. O. 34+32.
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N —

Cau 18: Cho hai s6 phtc z,;z, théa man z =z, va z° -5z,z,+4z,> =0 . Goi M,N lan luvot 1a diém biéu
dién cla s8 phirc z, z. thda man dién tich tam giac OMN bing 12. Gia tri nhé nhit cla bigu

thitc P=|2z, - z,| la

®. 143 ®. 2103, ©. @ ®. 7J6.

Cau 19: Xét s6 phirc z théa man |z+2-i|+|z-4-7i|= 6+2. Goi m, M lin lugt la gia tri nhé nhat va gia

tri lon nhat cia |z-1+i|. Tinh P=m+ M.

®. P=\13+73 ®. pzm ©. P=5J2+73 O. P=5«/§+\/ﬁ

2 2
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Cau 20: Cho s6 phirc z théa man |z-6|+|z+6|=20. Goi M, n lan lugt 14 médun lén nhat va nhoé nhat
cta z. Tinh M —n.
@®. M-n=2. ®. M-n=4. ©. M-n=7. ®. M-n=14.

N
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ORI WIHI WHIPT QUOC GIlA 2020-2Q21
Khéi 12 - CHUONG 4

Cau 1: Cho sé phic z=(m-1)+(m-2).i (meR). Gia trj nao ca m dé |z|£«/§.

m=>0

®. -3<m=<0 ®. 0<m<3 ©. {mﬁ‘?’ O. {’”3‘26.
m

S —

Cau 2: Xét cac s6 phic z, =3-4i va z,=2+mi, (meR). Gia tri nhé nhét cia médun sé phirc %2 bing
Zl

2 4 1
®. 2 ®. 2 © 3 ®.§

Cau 3: Cho s8phtc z thda |z~ 1+ <2, ta luon cé

@. |z+1|£\/§ ®. |Qz—1+i|s3\/§ ©. [2z+1-14<2 O. |z+i|£\/§

N S . R —

Cau 4: Cho céac s6 phirc z, =1+3i, z, =-5-3i. Tim diém M (x;y) biéu dién s6 phic z,, biét rang trong
mat phang phirc difm M ndm trén duong thing x -2y +1=0 va moé dun s8 phirc w=3z, —z, -2z

dat gia tri nhé nhat.
3 1 3 1 31 31
L M|-2-2 ®. M|=Z;-= L M2 M| -2
® (5 5j ® (5 5) © [55} ® (55)

R —

0 bs & st: Thong Dink Dink
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Cau 5: Cho s6 phitc z=a+bi(a,beR) c6 moédun nhé nhit théa man |z+1—5i|=|;:+3—i|. Tinh
P=5(a+b)?
@. P=-8 . ®. P=8. ©. P=4. ®. P=-4 .

Cau 6: Trong cac s6 phic z théa man |z-1+i|=|Z+1-2i|, s6 phitc z c6 médun nhé nhat 1a

) 3 3. : 3 3.
e L == L= .= ——i.
® 5 IOl 5 10l © 5 IOl © 5 IOl

o@'//ﬂ?’ e e e et e e e e e i e e i S TNy e o e e i o i

Cau 7: Cho s phirc z thod man diéu kién |z -2 -4i|=|z - 2i|. Tim s6 phirc z c6 médun nho nhat.

@. z=-1+i ®. z=-2+2i ©. z=2+2i O®. z=3+2i.
R —

Cau 8: Cho s8 phic z thay déi théa man |z -3 +4i|=4. Tim gia trj 16n nhit P, cla biéu thic P =|z|.
®. P, =9. ®. P, =5. . P, =12. ®. P, =3.
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N —

Cau 9: Cho s6 phic z théa man z+1250 5 Gia tri nhé nhét cla |z| bang

zZ+3-1

22 8 J10 2410
®. = ®. = ©. = . =

Cau 10: Cho s6 phitc z théa man [2z-3-4i|=10. Goi M va m lan luot la gia tri lon nhat va gia trj nhé
nhit cla |z|. Khi d6 M —m bang
@. 5 ®. 15 ©. 10 O®. 20.

QP e

-=1. Gia trj nhé nhét cla |z +3-2i| bing

Cau 11: Cho s6 phitc z théa man
z+3-1
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®. @ ®. Jio ©. Y10 ©. 2410

Cau 12: Trong cac s6 phirc z thod man |Z—(2+ 4i)| =2, goi z, va z, 1la s6 phirc c6 mé-dun 1én nhit va nhé
nhat. Téng phan do cla hai s6 phic z, va z, bang.
®. 8i ®. 4 ©. -8 O. 8

Cau 13: Cho s8 phitc z théa man |z-3+4i|=2 va w=2z+1-i. Khido [w| co gia tri 16n nhat la:

@. 16 +74 ®. 2+4/130 ©. 4+4130 O. 4+74.
QA

Ciang 63 | fite V0ord 6 phi. lién hé tic gid bs & st: Théng Dinh Dinh




Cumy lai #hic fay it l pby thate vao di lit cia npay hom nay 7 09411.02468— 0987.154.555

Cau 14: Cho cac s6 phirc z, w théa man |z| =5, w=(4-3i)z+1-2i. Gia tri nho nhat cla |w| 1a :
®. 35 ®. 45 ©. 55 D. 6v5.
QP o

Cau 15: Cho s6 phitc z thod man |z-3-4i|=+5 va biéu thic P=|z+2|2 —|z—i|2 dat gia tri 16n nhat.

Modun cla s6 phic z bang

®@. 10 ®./ 542 ©. 13 ®. 10.
o@'y/ﬁ’ e st ettt s S e e 5 Y el N\ e i el e e el e i i e

Cau 16: Cho sé phic z thod man dbng thoi hai digu kién |z-3-4i|=5 vabiéuthic M=|z+2 —|z i’
dat gia tri 16n nhat. Médun cua sé phic z-2-i bing

®. 5 ®. 9 ©. 25 ®. 5.
o(d?’//di e e e e e e e e e e e e e e e e e e e e e e e e e
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Cau 17: Cho s8 phirc z théa man |z -1+2i=5. Phép tinh tién theo vecto v =(1;2) bién tap hop biéu dién
cac s6 phic z thanh tap hop cac di€ém biéu dién s phirc z'. Tim gia trj 16n nhat Pcla |z-z|.
@. 15 ®. P=12 ©. P=20-5 D®. P=10++5.

Cau 18: Cho s phic z thdéa man 4|z +i+ 3|z —i=10. Gia tri nhé nh3t cia |z| bang:

1 S5 3
@.5. ® =. ©.§. o. 1.

c@'//ﬂi e e e e e e e e e e e e e e e e e e et e e

Cau 19: Cho s phirc z thod man |z|=1. Tinh g/ié/Mnhﬁt cta biéu thire T =|z+1]+2|z-1].

e )

006, g\
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@. maxT =32. ®. maxT =2410. ©. maxT =35 . O®. maxT=25.

Cau 20: Xét s6 phic z=a+bi, (a,beR) théa man |z—4—3i|=J§.Tinh P=a+b Kkhi |z+1-3i|+|z-1+1]

dat gia trj 16n nhat.
®@®. P=10 ®. P=4 ©. P=6 ®. P=8

o@y/ﬁ’ et ot 0t 2t 0 ot it 820 0 0 0 0 0t 8 0 0 1 15 T e o o1 ... 10 28 2 2 510 0 503 8 20 55 .80 0 0 0 0 0 0 0
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