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CHUYEN DE 4

NGUYEN HAM — TiCH PHAN - UNG DUNG

~-000---
81.NGUYEN HAM

A. KIEN THUC CAN NAM

81. NGUYEN HAM

1.Pinh nghia: Cho ham & f(x) xacdinh trén K. Ham & F(x) duoc goi 1a nguyén hamiga ham é
f(x) trén K rfu F'(x) = f(x) voi moi xOK .
Nhu vay: [ f()dx=F (x)+C = F'(x)= f (x)

2. Tinh chat
. jf'(x)dx: f(x)+C
3. Bang nguyén ham

. jkf(x)dx:kjf(x)dx

[ F 0 g09]dx= f () [ g (x)ck

Nguyén ham &a cac ham&so

Nguyén ham &a nhirng ham & hop

Nguyén ham @a nhrng

cap thuong gip don gian ham $ hop(véi 1 =#(x))
1. dex:c: jom:c
2. _[dx:x+C jkdx:kx+c: _[dt:t+C
3 jx”dx: X +C(a #-1) @ g L(ax+D)™ jt”dt: t +C(a #-1)
. e I(ax+b) dx—5T+C (a#1) o+l
1 1 1 1 1 1
4. [=dx=-—F—+C — = dx=- +C —dt=————+C
J.Xa X (a_l)xa—l I(ax+b)a (a_l)(ax+b)a—1 ta (O,_l)ta—l
3 3
5. jx/_xdx:§x2 +c:_§& s | [Nacrbk= \/ @by +C [V ::_23t2+C:?23\/t_3+C
1. _ 1 B 1. _
6. [~ dx=lnq+C jax+bdx—;.ln‘ax+b‘+C [Zdt=In]+C

7.Iizdx:—£+c L NS I%dt:——1+c
X X (ax+b)2 alax+b) t t
SI_dX 2/x+C x>0 I 1 dx:Z“aX+b+C,ax+b>0,a¢0 J-_dt 2Jt+C >0
Jax+b a
9. J'exdx:eX+C Iemhdx:leax+b+c Iedt:et+C
—
1 ax+f t
1o.ja ja”x+5dx—— +C (azla>0) jadt_ +C
a Ina Ina
(azl,a>0)

11. J'cosxd< = sik+C

Icos(ax+b)dx :l.sin(ax+b)+C
a

Icostd = sin+C

12. jsinxdx = - cox+C

jsin(ax+b)dx = —l.cos(ax+b)+C
a

jsintd =-cog+C

13. Itanxck =-1Incox|+C

Itan(ax +b)k = —g Inf cosq+C

Itantct =~ In cod|+C
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14. [cotxdk = In|sinx|+C jcot(ax+b)cb<:1 in[ sin+ C [cottd = In|sin|+C
a
15J~ ! dx = tanx+C J’;d}c :l.tan(ax+b)+c I ! dt =tant+C
cos X cos? (ax + b) a cos't
16‘[ ! dx=-cotx+C I;dx:—l.cot(ax+b)+c I ! dt =-cott+C
sin” x sin’ (ax + b) a sin’t
17. [tarf xdk= tank-x+C [tart @x+b)k =2 tanéx+b y-x+C [tarftdc= tart-t+C
a
18. _[cotzxd<:—cotx—x+C Ico?(ax+b)d<:—1 cotbx+b - x+C jcoﬁtm:—cot—t+c
a
19, [t dhe | = in[ 204 ¢
¥-a2  2a |x+ (ax+b)(cx—-d) ~ ad-bc |cx+d|
20. Iln xdx = xInx—x+C Jln(ax+b)dx: (ax+b)in(ax+b) —ax
a
21, I'Oga b = xIn X_X+C Iloga(mx+n)dx:(m(+n)|n(m(+n)_mx+c
Ina mina

4. Pheong phap tinh nguyén ham
a. Plrong phép kin doi

% Néu jf(u)du = F(u)+C vau=u(x)la ham é c6dao ham liéntc thi
j F(u(x))u'(x)dx = F(u(x)) +C . Laeu y: Dat t =u(x) = dt =u’ (x)dx . Khi dé: j f(t)dt = F(t)+C, saudd
thay ngroc lai t =u(x) taduoc két qua can tim.

& Véi u=ax+ba#0), ta céjf(ax+b)dx =%F(ax+b)+C

b. Phrong phéap tinh nguyén harirtg phin

% Néu hai ham 8 u =u(x) va v =v(x) cddao ham liéntc trén K thi

ju(x)v'(x)dx =u(x).v(x) —Iu'(x)v(x)dx hay judv =uv —jvdu

% Pat u=f(x)=du=f’'(x)dxva dv=g(x)dx= v:jg(x)dx: G (x)(chon C =0)

Luu y: V6i P(x) lada thrc

N.Ham jP(x)exdx jP(x) cos xdx hay IP(x) sin xdx JP(x)ln xdx

Pit

u P(X) P(X) Inx
dv e dx cos xdx hay sinxadx P(x)dx
Y&u ciu tim nguyén hamia mjt ham $ duoc hiéu 1a tim nguy@n ham tréimg khaing xacdinh aia né.
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B. BAl TAP TRAC NGHIEM

Cau 1: Mat nguyén hamiea ham 8 f(x) =3sinx +2,x >0 |a.
X

A. jf(x)dx=—3cosx+21nx. B. jf(x)dx=3sinx+21nx.
C. [ f(x)dx==3cosx+2Inx+C. D. [ f(x)dx =3sinx+2Inx+C.

Cau 2: Tim nguyén hamia ham é f(x) = (1+c0sx)2.
3x 1 3x 1
A. x)dx =—=2sinx ——sin2x +C. B. x)dx =—+2cosx+—cos2x+C.
[reode== " [reode== "

C. jf(x)dx =37x+2sinx+isin2x+c. D. jf(x)dx =2sinx+isin2x+C.

Cau 3: Mot nguyén hamiea ham 8 f(x) =cos§ la.

—ran X 1. x
A J-f(x)dx—Zsma. B. jf(x)dx-5s1n5+c.
= 2sin Y =Lsn®
C. jf(x)dx-2s1n2+c. D. jf(x)dx Jsin=.
3
Cau 4: Tim nguyén hami@ ham 8 f(x)= xz +1
o
2
A. [ fx)dx=x?+In|x=1]+C. B. jf(x)dxz%ﬂn\x—l\w.
2
X
C. jf(x)dx:7—1n\x—1\+c. D. [ f(x)dx =In|x~1]+C.
Céau 5: Hay tinh H :Jx—ﬂ
(x=2)(x+3)
A. H=lln[‘x—2‘3(x+3)2}+C. B. H=ln[‘x—2‘3(x+3)2}+C.
5
C.H ZLIn[‘x—2‘3(x+3)2}+C. D. H =lln[‘x—2‘3(x+3)z}+c.
15 3
1
Céau 6: Hay tinhM = | ———dx.
J-xxll+x
A M=t e B. M= e
2 Wx+1+1 x+1-1
c. m=m T e D. M=l o
Vx+1+1 2 Wx+l-1
Cau 7:TinhI:jcotxdx.
A. T :—ln‘cosx‘+C. B. I :ln‘cosx‘+C. C. I :ln‘sinx‘+C. D. I :—ln‘sinx‘+C.
Cau 8: Tim nguyén hanr(x) cia ham 8 f(x)= xe"ﬂ.
e
A. F(x)=In(e+1)+C. B. F(x)=1In(e" +1)+C.

Chuyéndé 4. Nguyén ham — Tich phan 3 Ung dung cia tich phan
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C. F(x)=Ine* +C. D. F(x)=xIn(e" +1)+C.

Cau 9: Tinh H = jx(1+x); dx.
2 5 2 5

A.H:(1+x2)5+c. B.H=(1+x2)5+c. C.H:%(1+x2)5+C. D.H:§(1+x2)2+C.

Cau 10: Tim nguyén hami@ ham 8 f(x)=—— .
SIn X COS x

A. [ f(x)dx = In|tan x| +C. B. [ f(x)dx = In|cot x| +C.
C. j f(x)dx = Insin x|+ C. D. j f(x)dx = In|cos x| +C.

Cau 11: Tim nguyén hanF(x) cia ham é f(x)= xsin%.

A. F(x)=-xcos>+4sin=+C. B. F(x) =—2xcos>+4sin= +C.
2 2 2 2
C. F(x)=—2c0s£+4sin£+C. D. F(x)=2xc0s£+4sin£+C.
2 2 2 2
Cau 12: Tim nguyén hami@ ham 8 f(x) :2;.
x +2x-3
1. |x—1 1. (x+3
A. x)dx =—In +C. B. x)dx =—1In +C.
jf( ) 4 |x+3 If( ) 4 |x-1
1, (x—-1 3 (x+3
C. x)dx =—In +C. D. x)dx ==In +C.
jf( ) 2 |[x+3 jf( ) 4 |x-1
A . A s .z ) 2
Cau 13: Tim nguyén han¥'(x) cia ham 8 f(x)=sinx+ biét F| — —£.
cos’ x 4 2
A. F(x)=—cosx+tanx+\/5—l. B. F(x)=sinx+cotx+\/5—l.
C. F(x):—cosx+tanx+\/5. D. F(x):cosx—tanx+\/§—1.

2

Cau 14: Tim nguy@n han¥(x) cia ham 8 f(x) - x+1 biét F(e) :%.
X

A. F(x):%3+ln‘x‘+l B. F(x):%zﬂn\x\—l C. F(x)=x"+In|x|-1 D. F(x)=%2+ln‘x‘

Cau 15: Tim ham 8 f(x) biét /' (x) = 15*/; va f(1)=
A fx)= 2 B fx )—5 2 ¢ fx )—5\/_+§. D. f(x)=\/x_+§.
7 7 7 7
7

Cau 16:Tim ham & /(x) biét /'(x) =2~ va £ (2) = .

3 3 3

A. f(x):zx—%ﬂ. B. f(x)=2x+%+1. C. f(x):2—%+1. D. f(x)=2x-x>+1.

Cau 17:Tim nguyén hanF(x) cia ham 8 f(x)=x*vx* +3.
(x4 +3)\/)c4 +3

6

+C.

A. F(x)=(x* +3)Vx* +3+C. B. F(x)=

Chuyéndé 4. Nguyén ham — Tich phan 4 Ung dung cia tich phan
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(x4+3)\]x4+3 (x4+3)\]x4+3
C. F(x)= y +C. D. F(x)= 3 +C.
Cau 18:Tinh K = j—“lJ’tanxdx.
COS X
A. K=§(1+tanx)\/l+tanx +C. B. K=%(1+tanx)\/l+tanx +C.
C. K =(1+tanx)I+tanx +C. D. K:§(1+c0tx)\/1+tanx +C.
Céau 19:Nguyén hamia ham & f(x) = (x - )(x +3x) EY
x* X 3 XX 3
A. dr=2 - pp -2y B. dr=" -2 +r-2+C
[feode="c =Tt x = Jr AR
5 4
3
C. dr=x® x5+ —x2 +C. D. [fx)dr= -2 +x>-Zx+C.
[F)de =2 =x" +x* - x [reode="=-= .
Cau 20:Cho f(x) g(x) 1a hai ham &lién tuc trén K va k # 0. Khangdinh nao saday la sai ?
A [ £(0).00 Jdx = [ f(xdx. [ (). B. [[ ()£ g(x) Jdx = [ fOr)dx £ [ gy,
C. [f'()dx = f(x)+C. D. [ kf Coxdx = k[ f(xx.
)
Céau 21:Hay tinhK :J-sm  dx.
COS X
A. K=2ln1+s.mx —sinx +C. B.K=2ln1+cosx +cosx+C
1-sinx 1-cosx
C.K=lln1+s%nx —sinx +C. D.K=lln1+cosx cosx+C
2 |1-sinx 2 |1-cosx
Cau 22:Nguyén hamia ham 8 f(x) =sin’ x la.
A. J-f(x)dx=%x—ic0s2x+c. B. If(x)dx:%x—%sin2x+C.
C. jf(x)dx:lx+lcos2x+c. D. jf(x)dx:lx+lsin2x+c.
2 4 2 4
Cau 23: Tim nguyén hami@ ham 8 f(x) = (l—xz)e“.
A. jf(x)dle(l—zx+2x2)e“+c. B. jf(x)dx:l(1+2x—2x2)e“+c.
4 4
C. [flodx=(1+2x-2x)e™ +C. D. jf(x)dx:%(1+2x—2x2)e“+c.
Cau 24: Tim nguy&n han¥(x) caa ham 8 f(x) = xe*.
A F(x)=xe"'+e"+C. B. F(x)=x—-¢"+C. C. F(x)=xe" +C. D. F(x)=xe" —e" +C.

Cau 25:Hay tinh E =J.(l+x)lnxdx.

2 2 2 2

A E=|x+2 |- x+X |+C. B. E=| x+ [Inx—| x+X |+C.
2 4 2 4
x2 x2 x2

C. E=(x+7]lnx+c. D. E=£x+7Jlnx+[x+?j+C.

Cau 26:Nguyén hamiwa ham 8 f(x)=3cosx-3""1a.

Chuyéndé 4. Nguyén ham — Tich phan > Ung dung cia tich phan
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x-1 x-1

.3 3
A jf(x)dx-3smx+ln3+c. B. jf(x)dx-3smx —+C.
3x—1 3x—l
C. jf(x)dx:—3cosx—ln3+c. D. jf(x)dx:3cosx—ln3+c.

Cau 27: Mot nguyén hamiea ham 8 f(x) =4x* la.

A. jf(x)dx:%xs, B. If(x)dx:§x5+c, C. jf(x)dx:%xm,c D. jf(x)dx:%x?

Cau 28:Tinh K = [(Inx) dx.

A. K:(lnx)2 —2xIlnx+2x+C. B. K:x(lnx)2 —2xInx+x+C.
C. K:x(lnx)z—xlnx+2x+C. D. K:x(lnx)2—2xlnx+2x+C.
A CUr e e In(sin x)
Cau 29: Hay tinh G:j —~dx.
cos” x
A. G =In(sinx)—-x+C. B. G =tanx.In(sinx)+C.
C. G=tanx.In(sinx)+x+C. D. G =tanx.In(sinx)—x +C.
Cau 30: Tim nguyén han¥(x) cia ham é f(x)=e">.
A. F(x):g(\/3x—9.em +em)+C. B. F(x):( 3x-9 —1)64m iC.
C. F(x):§\/3x—9.em+c. D. F(x)zg(\/3x—9.em—e“/3x—_9)+c.
A . A s s 2 cos’ x
Cau 31: Tim nguyén han¥(x) cia ham 8 f(x)= .
cosx+1
1 3. . X _3 1. . X
A. F(x)——x+Zsm2x—smx—tanE+C. B. F(x)——x+Zsm2x+s1nx—tanE+C.
3 1 . . X 3 I . . X
C. F(x)==x+—sin2x —sinx —tan—+C. D. F(x)=—x——sin2x —sinx —tan—+C.
2 4 2 2 4 2
Cau 32: Tim nguyén hanF(x) cia ham & f(x)=xv x> -5.
x°=5)]Vx* -5 2. /42 =
A. F(x)=( )3 +C. B. F(x):%w.
) > (xz—S)\/xz—S
C. F(x)z(x —5)\/x -5+C. D. F(x)= . +C.
Cau 33:Tinh 1 = [(1-x) dx.
— )10 _ o _Al0
Ar=-9"Y ¢ B r=—g-x+c. c.r=8Y 4o p=-UT0 Lo
10 10
tanx
Cau 34:Tinh H = [———dx.
cos™ x
A H=e"+C. B. H=¢""+C. C.H :%e‘a” +C. D. H=¢ """ +C.

Cau 35:Tinh I = [ tan xdx.
AT :—ln‘sinx‘+C. B. I :—ln‘cosx‘+C. C. I :ln‘cosx‘+C. D. I :ln‘sinx‘+C.

Chuyéndé 4. Nguyén ham — Tich phan 6 Ung dung cia tich phan



GV. Lu S Phap Tai Liéu On Thi THPTQG

Cau 36:Hay tinh1 = Iesm cos xdx.

A 1= +C. B. I =" +C. C.I=¢"".cosx+C. D.I=—-"+C.
Cau 37:Tim nguyén hanF(x) cia ham 8 f(x)=— ! —.
sin” xcos” x
A. F(x)=tanx —cotx +C. B. F(x)=sinx +cosx+C.
C. F(x)=tanx+cotx+C. D. F(x)=sinx.cosx +C.

Cau 38:Ham $ F(x)=e¢" |a mot nguyén hamiea ham 8.

x2

e
2x

A. f(x)=x" -1.  B. f(x)=e€>. C. f(x)= D. f(x)=2xe" .

2

Cau 39: Tim nguyén hanF(x) caa ham 8 f(x) = e"(2+ ¢ J

sin” x
A. F(x)=2¢" +tanx+C. B. F(x)=2e" tcotx+C.
C. F(x)=2¢" —tanx +C. D. F(x)=2¢" —cotx +C.

Cau 40: Hay tinh 1 = j ™™ sin 2xdx.
A T=-""+C. B. [ =e¢™ " +C.

C.l=e""+C. D. I =¢™*.cos2x+C.

Céu 41: Hay tinh J = [ (27 =3') dx.

A.J:2—26+3+C. B.J:4—6+9 +C
In2 In6 In3 In4 1n6 In9
C.J= 4 -2 6 0 +C. D. 4 6 0 +C.

. + J= - +
In4 In6 1In9 In4 In3 In9
Cau 42:Hay tinh M = j (1-2x)e"dx.
A. M =2xe" +C. B.M=2x-3)e"+C. C.M=B+2x)e+C. D. M =3-2x)e" +C.
Cau 43:Nguyén hamia ham § f(x)=2x* +—— la.

NS

A. jf(x)dx=§x3+3%+c. B. If(x)dx=§x3+3x+c.
C. jf(x)de%x3+33x+C. D. jf(x)dx=%x3+33/;+C.

Cau 44:Tinh H = Icos3 x sin xdx.

1 1 1 1
A. H:—Zsin4x+C. B. H=Zsin4x+C. C. H:Zcos4x+C. D. H:—Zcos4x+C.

Cau 45:Ham $ y = c6 nguyén hanF(x) 1a biéu thic nao sawtay, réu biét @6 thi cia ham 8

sin” x

F(x) di quadiém M(g;oj.

A. F(x) :g—cotx. B. F(x)=—§+cotx. C. F(x):\/g—cotx. D. F(x) =—v3 +cot x.

Chuyéndé 4. Nguyén ham — Tich phan ! Ung dung cia tich phan
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Cau 46:Tim nguyén hanF(x) cia ham 8 f(x) :e"(7— ¢ - J
COS X

A. F(x)=T7¢" —cotx+C.

B. F(x)=7¢" —tanx +C.
C. F(x)=7e¢" +tanx +C.

D. F(x)=7¢" +cotx+C.
Cau 47:Tim nguyén hanF(x) cia ham 8 f(x)=xvx+1.

A. F(x):2\/x+1(x+1 —%}c.

5 B. F(x)=2(x+1) XH(XTH_%}C'
C. F(x)=2(x+1)(x;1—a+c. D. F(x):(x+1)\/x+1(x;1—§j+c

Cau 48: Tim nguyén hanF(x)cia ham 8 f(x) = !

Jax+1
B. F(x)=2\2x+1+C.

A. F(x) =%(2x+1)+C.

C. F(x) :%\/2x+1 +C.

Cau 49:Hay tinh P = [ xsin(2x +1)dx.

D. F(x)=+2x+1+C.

A P =—%cos(2x+1)+isin(2x+l)+C. B. P =%xcos(2x+1)+isin(2x+l)+C.

cC.pP =—%xcos(2x+1)+%sin(2x+1)+C.

D. P:xcos(2x+1)+lsin(2x+1)+c.
4

Cau 50: Hay tinh [ = sz sin xdx.
A. I =—cosx+2xsinx+2cosx+C.

B. I =x’cosx+2xsinx+2cosx+C.
C.I=-x"cosx+2xsinx+2cosx+C.

D. I =cosx+2xsinx+2cosx+C.
Cau 51: Tim nguyén hanF(x) cia ham 6 f(x)=+/xInx.

3 3 3 3
A. F()C)ng2 lnx—ix2+C. B. F()c)zi)c2 lnx—ix2+C.
3 9 2 9
2 2 3 3
C. F()C)Z%)c3 lnx—gx3 +C. D. F(x)= 2

gxg Inx+—x2+C.

Cau 52: Tim nguyén hami@ ham 8 f(x) = !

1-x
A. jf(x)dx: 2_.c

Ji-x

C. jf(x)dx =2Jl-x+C.

C
B. dx = .
A

D. jf(x)dx:c 1-x.

Cau 53:Tinh H = [— 1

—— - dx
e"te " +2
1 1 1 1
AAH=——+C. B.H= +C. C.H=———+C. D.H=———+C.
1+e™ 1+e* l+e™™ I1+e'
Cau 54:Tinh H = [ xe™ dx.
1 _X2 1 _X2 1 X X

A.H:—Ee +C. B.HZEe +C. C.H=—-—¢ +C D.H=—¢" +C

Chuyéndé 4. Nguyén ham — Tich phan 8 Ung dung cia tich phan
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cosx +sinx

Cau 55: Tinh H = j—dx.

\sinx —cos x
A. H=2+/sinx—cosx +C.
C. H=2+cosx-sinx +C.

Cau 56: Mot nguyén hamiea ham 8 f(x) =

A [ e =2 +ax +C.
C. [ £ :%\/x_3+4&+c.

Cau 57: Tim nguyén hami@ ham é f(x)=2

A [foodx=2""+C.

C. [fodx=2"+C

Cau 58: Tim nguyén hanF(x) cia ham 8 f(x)=

1 1
A. F(x)= - +C.
* 5(x+1)5 6(x+1)6
C.Fo=—1 +— 1 ¢

5(x+1) 6(x+1)°
Cau 59:Hay tinh1 = [ cos(7x + 5)dx.

AT =%sin(7x +5)+C.

C.I= —%sin(7x+5)+C.

Ve Inx

e

B. H=2+sinx+cosx +C.
D. H =2+/sin2x +C.

2 .
— la.

Jx

B. If(X)dx:\/x_3+4\/;.
D. J-f(x)dx=§\/;+4\/;.
Két qua Sai la:

B. _[f(x)dx=2(2*g —1)+c

D. [ f(x)dx =2(2J§ +1)+c.

X

(ve1)

5 6

B. F(x)=- + +C.
! 6(x+1)6 5(x+1)5

D. Flx)=—— 1+ 1 _.¢

s(x+1) 6(x+1)’

B. I =%cos(7x +5)+C.

D.I= —%cos(7x +5)+C.

Cau 60: Tim ham 8 f(x) biét f'(x) = 4v/x —x va f(4) =0.

8xJx XX 40 x40

A. = 22 B. = a2

f(x) 3 > 3 f(x) 3 > "3

8xvx 1% 40 xx x40

C. X)= -—— . D X)= - .

f(x) 3 >3 f(x) 3 > 3
Cau 61: Tim nguyén hanF(x) caa ham 8 f(x)= ex _e_x .

e +e

A. F(x)=2lne" +C.
C. F(x)=1n(ex +e_x)+C.

B. F(x)=2lne ™ +C.
D. F(x)=ln(ex —e_x)+C.

Cau 62: Tim nguyén hanF(x) cia ham 8 f(x) :ge“.

A. F(x):lxezx —lezx+C. B. F(x)Zlezx —iezx+C.
6 2 6

12

Chuyéndé 4. Nguyén ham — Tich phan Ung dung cia tich phan



GV. Lu S Phap

Tai Ligu On Thi THPTQG

C. F(x)—6xe +1 T 4+C.

Cau 63:Nguyén hama ham 8 f(x)=xcosx la.

x*sinx

A. j f(x)dx =- +C.
C. .[f(x)dx =-xcosx+sinx+C.
3
Caw 64: Hay tinh1 = [2x(x* +1) dx.

A. 1:%(x2+1)4+c. B. Iz(x2 +1)4+c.

D. F(x) =lxe2”‘ —iez" +C.
6 12

x> cosx
2

B. j f(x)dx = +C.

D. [ f(x)dx = xsinx+cosx+C.

C. I:%(x2+1)4+C. D.I=

Cau 65: Tim nguyén hanF(x) cia ham 8 f(x) = x*vx* +7.

A F(x)—(x +7) 47

(x +7)\/m

5

3
(x2 +7)2 \/2_ (x2 +7) X+

B. F(x)= -

\J

3 5

2 2
C. F(x)= \/x5+7 _7\/x3 +7 +C.

(x2+7)2\/x2+7 7(w +7)o 47

D. F(x)= -
(x) 3 3

Cau 66: Hay tinh = j—dx
x(x+1)°
1
x+1

x+1
X

+

A.I=In +C.

C.I= 2 —In
x+1

x+1 ‘C

X

Cau 67:Hay tinh1 = jcosz xsin xdx.

A. I:—%sin3x+C. B. I :—écos3x+C.

Cau 68: Mot nguy@n hamia ham 8 f(x) =

COS X

A.jf(x)dx: 1

3cos’ x

COS X

C. [fx)dx= L. 1.,c

COS" x COSx

Cau 69: Gia ti cia K = jxcosxdx la

A. K=xsinx+cosx+C.
C. K=sinx+cosx+C.

Cau 70:Hay tinh7 = [(2x +1) dx.

A. 1:1(2x+1)5 +C. B.I=
5

Chuyéndé 4. Nguyén ham — Tich phan

sin’ x

i(2x+1)5 +C.

10

+C.

B. 7= -2 ¢
X x+1

p.r=m -1 e
X x+1

C. I :%sin3 x+C.

la.
1 1
B. x)dx = - +C.
If( ) 3cos’ x COSX
1 1
D. x)dx = + .
If( ) 3cos’x cosx

B. K=xsinx—cosx+C.
D. K=—-xsinx+cosx+C.

C. I:l(2x+1)5+c, D. ]:L
2 10

%(x2 +1)4 +C.

D. I :%c0s3x+C.

(2x+1) +cC.

Ung dung cia tich phan
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. 2+11x+
Céau 71:Tim nguyén han¥(x) caa ham 8 f(x) :M.
(x+D)(x+2)
x+1] 1 1
A. F(x)=21In - +C. B. F(x):ln\xﬂ\— +21n\x+2\+c.
x+2| x+2 2
+
C. F(x)=1n\x+1\—L—21n\x+2\+c. D. F(x)=- ! +2ln|x 2|+C.
x+2 x+2 ‘x+1|
Cau 72:Hay tinh F = [
(I1+x)
A F=-Y Ll X e B. F= " vl * lic.
x+1 x+1 x+1 x+1
C.F=-10% X e D. F=12% _ul X |+c.
x+1 x+1 x+1 x+1
Cau 73:Hay tinh M =jxln(1+x)dx.
A M:l(xz—l)—lx2+lx+c. B. le(x2 —1)1n(1+x)—1x2+lx+c.
2 47 2 2 47 2
1 1, 1 , 1, 1
C. M=—ln(1+x)——x +—x+C. D. M=(x —1)ln(1+x)——x +—x+C.
2 47 2 47 2

Cau 74:Hay tinh I:jxe‘*dx
A [==xe"—e"+C. B.I=—xe"+e'+C. C.I=xe"—-¢"+C. D. I =—xe" +C.

Cau 75: Biét J'— —J' b ldx.. Tich aia ab bang.
(x+DH(2x+1) x+1 2x+1

A. 1. B.0. C. -1. D. %
Caw 76:Hay tinh N = [(x? +2x-1)e"dx.

A N=¢ —x+C. B. N=¢' +C. C.N=¢'x’-1+C.  D.N=¢'(x*-1)+C.
Cau 77: Tim nguyén hamia ham 8 f(x)=+2x-1.

A. J-f(x)dx =§(2x—1)\/2x -1+C B. jf(x)dx = —%sz -1+C.

C. jf(x)dx=%(2x—1)\/2x—1 +C. D. jf(x)dx=%\/2x—l +C.

Cau 78:Hay tinh 1 = [ —dx.

A= (x +4) +C. B. I=%(x2+4)§+c. C. I=%(x2+4);+c. D. I=%(x2+4)§+C.
Cau 79:Hay tinhI = j sin’® x cos xdx.

A. [ =sin’ x+C. B. I=cos’ x+C. C.I:%sin3x+C. D.I:%cos3x+C.

Cau 80:Goi F(x) la nguyén hami@ ham 8 f(x)=(1-x)cosx va F ( 2) 1. Hing & C bing .

11
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A. 0. B. C.1-

s s D. 77
2 2

x(2+x)

(1)
2 2

+x+ e 24 x-—
* B. F(x):x—xl. C. F(x):x—xl' D. F(x):x—xl'
x+1 x+1 x+1 x+1

Cau 82: Mot nguyén hamia ham é f(x)=x la.

Cau 81:Ham $ nao dr6i day khong 1a nguyén hania ham 8 f(x) =

A F(x)=

2 1
A [ronde =25 +c. = +C
J 3 x
2
C. {frdx=——. D. [ fodr =2+/x.
/ 2x j 3
Cau 83:Hay tinhN :IL.
\V2x+1+1
3 3
A N=\/(2x+1) _2x+1+c‘ B.N:l \Q2x+1) +2x+1 ‘C
3 2 2 3 2
3 3
C.N=l \VQ2x+1) _2x+1 iC D N=2 VQ2x+1) _2x+1 ‘C
2 3 2 3 2
Cau 84:Hay tinh F=Iln(x+Vl+x2)dx.
A F=xln(x+\/l+x2)+\/l+x2 +C. B. F=ln(x+\/l+x2)—\/l+x2 +C.
C. F:xln(x+\/l+x2)—\/l+x2 +C. D. F=xln(x+\/1+x2)+C.

Cau 85: Tim nguyén hanF(x) caa ham 8 f(x) = x’ In(2x).

4 4 4
x"In(2x) _x_+C In(2x) _x_+C

A. F(x)= . B. F(x)=
) 16 D= e
4 4
C. F(x)_xln(Zx) _x_+c D. F(x):w.px_.kc.
16 4 16

2x

Cau 86: Tim ham & f(x) biét £/ (x) =< ! va f(in2)=1.

A fx)=e —e” 3 B, fx)=¢ +em 42 C. f(x)=ex+e_x—§. D. f(x)ZeX—e_X+§,
2 2 2 2
Céau 87:Hay tinh L = J' sin x
COS X

A. L=3sinx +C. B. L=-3Jcosx+C. C.L=-3Ysinx+C. D.L=3Jcosx+C.
Cau 88:Tinh J = jlen(x —l)dx.

2
A J=x° 1n(x—1)—%—x—1n\x—1\+c. B. J=x*In(x-D-x*-x—In|x=1[+C.

2

2
C. J=1n(x—1)—x7—x—ln‘x—l‘+C. D. J=x1n(x—1)—%—x—1n\x—1\+c.
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Cau 89: Hay tinh K = [cos+/xdx.

A.K=2\/;cos x+2sin\/;+C. B.K=\/;sin x +cosvx +C.
C.K:2\/;sin x +cosvx +C. D.K:2\/;sin x+2003\/;+C.
Cau 90: Tinh J :jL.
xInxIn(In x)
A. J=In|in(Inx)[+C. B.J=I|xlnx+C.  C.J=In[nx|+C. D. J =xIn|ln|+C.
+
Cau 91:Hay tinh E:jxlnl  dx.
1-x
— 2 + 2 +
A E=x-12 e B. E=x+ Y 1n X
1-x 2 1-x
2
C.E=x—imific D. E=x-“mifyc
2 1-x 2 1-x
Cau 92: Tim nguyén hanF(x) cia ham 8 f(x)=x*cosx.
A. F(x)=x"sinx +2xcosx —2sinx —2C. B. F(x)=sinx+2xcosx —2sinx —2C.
C. F(x)=x"cosx+2xsinx—2sinx —-2C. D. F(x)=xsinx +2xcosx—2sinx —2C.
Cau 93:Nguyén hama ham 8 f(x)=cos’x la.
1 1 1 1
A. dx =—x—-—cos2x+C. B. dx=—x+—sin2x+C.
[ £0dx =" x =2 cos2x JFGar =2+ sin2x
C. jf(x)dx:lx—lsinzxw. D. jf(x)dx:lx+lcos2x+c.
2 4 27 4

2x* +41x-91
()c—l)(x2 —x—12).

A. F(x):41n\x—1\+51n\x—4\—71n\x+3\+C. B. F(x):51n\x—1\+71n\x—4\—41n\x+3\+c.

Cau 94: Tim nguy&n han¥(x) caa ham 8 f(x)=

C. F(x)=4In|x~1|+7In|x~4|~5In|x+3[+C. D. F(x)=7In|x~1|+4In|x~4|-5In|x +3|+C.

Z X
Cau 95: Tim nguyén hanF(x) ctahamé f(x)=———.
guy () A (x+DH2x+1)
A. F(x)=ln‘x+1‘+%ln‘2x+l‘+C. B. F(x):ln‘x+1‘—%ln‘2x+1‘+C.
+ +
c. Foo=+ml~tLlic D. F(x)=In|"""1+C.
2 12x+1 2x+1
Cau 96: Tim nguyén hanF(x) caa ham 8 f(x)=xsinx.
A. F(x)=xcosx +sinx +C. B. F(x)=—xsinx+cosx+C.
C. F(x)=—-xcosx+sinx +C. D. F(x)==xcosx—sinx+C.
Cau 97: Hay tinh1 = j xe' dx.
1+x° 1 1+x? 1 x* 1
A . I=e¢™" +C. B.I:Ee +C. C.I:Ee +C. D.I=Ee+C.

Cau 98: Tim nguyén hami@a ham é f(x) =

13
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A [fGdr=In 172 e B. [ f(x)dr=In *xle
1+x -
1 1+x 1. (1-2x
C. dx==1 +C. D. dx==1 +C.
[reode=- “‘1- - [ Fdr=2 n‘ =
2
Cau 99: Tim nguyén hanF(x) cia ham & f(x)=—> -
(x-1)
A F(x)=—— — - 2 - ! —+C. B. F(x) = ! _+ 2 —+ ! —+C.
2(x=1)" 3(x-1) 4(x-1) 2(x-1) 3(x-1) 4(x-1)
C. Flx)=——2 — - ! - ! ~+C. D. F(x)= 3 — - 2 - ! —+C.
2(x=1)" 3(x-1) 4(x-1) 2(x=1)" 3(x-1) 4(x-1)
Cau 100: Tim nguyén han¥(x) caa ham 8 f(x) :;.
x(x3+4)
A. F(x)=+In e B. F(x)=In e
' 4 |0 +4| ' x4l
3 1 x3
C. F(x)=4-In +C. D. F(x)=—-1n +C.
<) X +4 ™) 4 X’ +4

Cau 101:Tim ham 8 f(x) biét f'(x) =2x+1 va f (1) =5.
3 2

A. f(x):%+§+3. B. f(x)=x’+x+3. C. f(x):x?+x+3. D. f(x)=x>+x-3.

Cau 102:Hay tinhJ :j;dx.
\/)cz+a2
A. J=ln(\/xz+a2 —x)+C. B. J=ln(x—\]x2+a2)+C.
C.J=ln(x+\/x2—a2)+C. D.J=ln(x+\/x2+a2)+C.
Cau 103:Hay tinh/ = j ¢ sin xdx.
A. I=¢" +C. B. [ =—¢""" +C. C.I=¢"sinx+C. D.I=-¢""+C.
Cau 104:Tim ham 6 £(x) biét £/ (x) :x—iz+2 va f(1)=2.
X
3 4 5 3 4 5
A f(x)==x3+—+x+1. B. f(x)=—x3+—+x.
f(x) 2 2 f(x) 2 2
4 4 4 4
C. f(x):%xS +x7+x+1, D. f(x)=%x3 +%+x.
Cau 105: Tim nguyén han¥(x) caia ham 8 f(x) :w
COS X
A. F(x)=2(tanx+x)+C. B. F(x)=tanx+x+C.
C. F(x)=2(tanx~x)+C. D. F(x)=tanx—x +C.

Cau 106:Nguyén hamwa ham 8 f(x)=+/2x+1 la.

14
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;
A. jf(x)dxz2 (2:“) +C. B. [ f(x)dr=va* +x +C.
3
C. [fodx=vx* +x+C. D. [ f(x)dx = (2x3+1) +C.
Céau 107:Hay tinh Q = '[(1 x)\/_
A.Q=In 1+\/— B.Q=ln1 \/_
C.0 -—1 - J_ D.Q= 1+\/_
Cau 108:Tim nguyén hami@ ham & f(x) = x*
e U
A. jf(x)dx:\/5+1+C. B. If(x)dx:\/E_I+C
C. [fdy=v2x™ +C. D. [ fx)dx=x""+C.
Cau 109:Hay tinh [ = j ™% sin 2xdx
A. I=-e""+C. B. I=¢" +C.
C. 1= +C. D. I =—¢ *sin2x +C.
Cau 110:Nguyén hamwa ham 8 f(x)=e* (1-2017¢™") 1.
A. [ f(x)dx = e =2017¢™ +C. B. [f(x)dx =" =2017¢™ +C.
C. j F(x)dx =e" +2017¢™> +C. D. j F(x)dx =e" +2017¢™ +C.
Cau 111:Hay tinh Q = [ (1~ x)cos xdx.
A. Q:(l—x)cosx—sinx+C. B.Q:(l—x)sinx+cosx+C.
C.Q=xsinx—-cosx+C. D.Q=(1—x)sinx—cosx+C.

Cau 112:Mét nguyén hamiea ham 8 f(x) =cos* x la.

A. jf(x)dx=é(3x+2sin2x+isin4xj+c. B. If(x)dx=%(3x+2sin2x+isin4x}.

C. jf(x)dx=3x+2sin2x+isin4x. D. jf(x)dx=3x+2sin2x+isin4x+C.
sin(In x)
Cau 113:Tinh H = j—dx.
A. H —cos(lnx)+C. B. H:—cos(lnx)+C.
C.H =—sin(lnx)+C. D.H :sin(lnx)+C.

Cau 114:Tim nguyén han¥(x) caa ham 8 f(x)=3x> biét F(1)=-1.
3 3

A. F(x) :%+2. B. F(x)=x*+2. C. F(x)=x*-2. D. F(x) :%—2.

15
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3x*+11x+9 | a b c
—dx—f + +
(x+D(x+2)° x+1 (x+2)" x+2

Cau 115:Biét j jdx. Tinh P = abc.

A. P=8. B. P=4. C.P=2 D. P:%.
Cau 116:Biét jx—_lzdx:j 9P 4 © ik TinhS=a+b+c
x(x+1) x x+1 ( +1
A. S=1. B. S=2. C. S=4. D. S=3.

Cau 117:Hay tinh F = j3x2 cos(2x)dx.

A. F=2xcos2x—sin2x +2x”cos2x+C. B. F:l(ZXCOSZX—SiIIZX'*'sz sin2x)+C.
3 . 2 . 3 . 2
C. F=Z(2xcos2x—sm2x+2x s1n2x)+C. D. F=Z(2xsm2x—cos2x+2x cos2x)+C.

Cau 118:Hay tinh P = szi/l + x> dx, (x > -1).
1 4 1 1 3 4 4 3
A. P=—(1+x3)3+C. B.P:—(1+x3)4+C. C.P:—(1+x3)3+C. D.P:—(1+x3)4+C.
4 4 4 3
cau 119:Choj(1+x+ex—cosx)dxzax+bx2+ce*+dsinx+c.TinhS=a+b+c+d.

A.SIE. B.S:l. C.S=1. D. S=0.
2 2
Cau 120:Cho .[(xz +e™ —sin2x +m)dx = ax® + be™ +ccos2x +mx +C . Tim tham 8 thuc m sao cho

atb+c=4.
A.m=§. B.m=2. C. m=3. D.m=£.
6 4 5

16
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§2. TICH PHAN
A. KIEN THUC CAN NAM
|. Kh&i ni ém vé tich phan
Pinh nghia: j F(0dx = F(x) = F(b)~ F(a)
Cha y: a
1. Khi a=b tadinh ngha j}.f(x)dx = L“f(x)dx =0

2. Khi a>b, tadinh ngha jif(x)dx :—Tf(x)dx

3. Tich phan khéng pnl‘thmc vao cli duhng lam bén $ trong diu tich phan,itc &
j f(x)dx hay j f(®)dt,..., déu tinh Bing F(b) - F(a) hayji f(x)dx = j f()de

I Wflinh ch it cia :I'Ch phan a a

Tich chit 1. & j f(x)dx =k j f(x)dx (kla hing )
Tich chit 2. j [ £+ g(x) |dx j F(x)dx % j g(x)dx

Tinh cHit 3. j F(x)dx = j F(x)dx + j f(x)dx, a<c<b

I1l. Ph wong phap tinh tich phan
1. Phwong phapdoi bién so

b
DANG 1. it t theox. Cu thé: Tinh 7 = [ f(x)dx

X| a b S f(®
n ‘ (@ )’ Khi dé tinh: 1 = j g(t)dr

f(a)
DANG 2. Pat x theot: C6 cac dng o ban sau:

Pit: t = f(x) = dt = f/ (x)dx. Ddi can:

p 5 § . T 5 T
a) ¢ J\/l—x dx.bat: x=sinttd| ———|. j\/k —x%dx. Pat: x=ksint t0| -=:=
4 2 2 2'2
| T f T
b) « dx.Pat x =sint, 10 . g0 ——;—
5= S R b -53)
b b
C)’J- ! dx.Dbat x =tant,rJ 7—77—7 . OJ- ! dx.bat x =ktant,t[] 57—7
s x*+1 272 ° x°+k? 272
b
. ;de bat ax+ = ktanttD( El—Tj
2(ax+B) +k 22

2. Phuong phéap tinh tich phan trng phan
NéU u = u(x) vav =v(x) la hai ham & c6dao ham liéntc tréndoan [a;b] thi

jiu(x)v '(x)dx = u(x)v(x)[ - ji u'(x)v(x)dx hay jiudv = uv‘: - ji vdu

a a a a
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Tinh | =Jt:f(x)g(x)dx. Pat: esu=f(x) = di="f" K)k

¢ dv=g(x)dx=v=[gx)k
B. BAI TAP TRAC NGHIEM

Cau 1: Tinh tich phan = [(1-x)sin x cos xdx.

O 0 [ Y

A T=1(a-7). B.1=2. c.1=t(a+n).  D.r=l(a-n).
3 8 2 8
: ;
Céau 2: Cho hai tich phad = Isinz xdx vaJ = jcos xdx. Hay ch ra khingdinh dang ?
0 0
A 1> B.
C.1<J. D.K h ng S0 sankugc.

Cau 3: Tinh tich phan/ = j xIn xdx. .
1

2 2 _ 2 _ 2
A 1= B. /=1 cr="2 D.7=¢"1
4 4 2 4
Cau 4: Biétj | d in(a + ) bang:
0\V4—x?
A. */g;”/_ B. \/5;”/5 C. %—1 D. ﬁ;l

T
Cau 5: Biét stmxcos xdx =a. Giati cia P =sin2a +cos2a la
0

2‘/5 3 B.Pzﬁ—l C.P=\/§+1 D. P:@
6 2 2 2
1
1
Cau 6: Tinh tich phan/ = dx .
'([\/3—2)6
A 1=13. B. 1=3-1. C. 1=+/3+1. D.I=1.
3
Cau 7:Tinh J = jx251nxdx
0
A J=m+2 B.J=1m C.J=m-2 D. J:g—l
2 2
Cau 8:Tl'nhH=I3x.ex dx
21
A. H=§(e4—e) B. H=l(e4—e) C. H=3(e4—e) D. H=§(e4+e)
2 2 2

Cau 9:Cho F = J.(lnx)z dx . Chon khang dinh Sai trong cac khngdinh sau

Chuyéndé 4. Nguyén ham — Tich phan 2 Ung dung cia tich phan
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e e

e 4 2
A. F—xlnx‘1 —!dx B. F—x(lnx) 1 —2'!‘1nxdx
C.F=e-2 D.F=x(lnx)2 -2 xlnxr—jdx
1 1 1
%T X
Cau 10:TinhL=I . dx
) COS™ x
A. sz B.L="Yim2 cC Lzﬂ—ﬁ—lnz D. L=”—£—3ln2
3 3 3 3
Cau 11:TinhD=J'x2 In xdx
1
3 3 3_
A p=2¢"l B. p=-¢ "1 c.p=2¢"1 D. D=2¢
9 6 7
0
Cau 12:Tinh 1= [*(x+1) dx.
-1
A T=2 B. /=L C.r=-—L D.I=-L
15 60 10 60
5
Cau 13:Tinh C = j x? cos xdx
0
Ac=T 1 B c=TT*2 c.c=T2 D.c=" 5
4 4 4 4
b
Cau 14:Biét [ xlog, xdx =b~ . Gia ti cuab la:
1 4Inb
A. b=3 B. b=4 C.b=1 D.h=2
2
Cau 15:Chofx/4—x2dx =a. Gia ti cia cos2a la.
0
A. cos2a =0. B. cos2a =%. C. cos2a =1. D. cos2a =-1.
i 3
Cau 16: Biét sz —3x+2‘dx =a.Giati ciaa la:
A a=1 B.a=2 C.a=3 D.a=4
Cau 17:Biét j(zx—1)1nxdx —alna-L. Gia ti chaala
a
1
A a=3 B.a=4 C.a=2 D.a=8
Cau 18: Gia ti nao caa dé j(sx2 +2)dx —d*+27
0
A a=2 B.a=3 C.a=1 D.a=4
3
Cau 19:Tinh P = j cos’® xsin® xdx
0

Chuyéndé 4. Nguyén ham — Tich phan

Ung dung cia tich phan
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A p=L B p=2" c.p=2 D. =L
24 3 24 12
5
Cau 20:Tinh A= J.(cos3 X —1)cos2 xdx
0
A A=2T B. A=> -7 c.a=d1 D.A=> 7
15 15 4 15 15 4
1 2+ X4 2 x
cau 21:Tinh1<:jx ecrxe .
0 1+2¢"
A K =L lt2e B. K=t+lml*2e c g=liplt2e  p og=l 1t
2 3 2 3 3 3

Cau 22:Cho j(Zf(x) —g(x))dx =5. va j(3f(x) +g(x))dx =10.. Khi d6 jf(x)dx bang.

A. 10. B.5. C.3.
Cau 23: Tinh E = j“”x dx
N E__[—s 5+16J_J E:—5ﬁ+16x/5
3 8 8
_5+\2 o pol[35-142
24 3 8

cos’ xdx . Khi d6 a.b bang:

O"—oN\EI

Cau 24:Biét a = j sin® xdx va b =
0

il g, 16 c.2
32 15 3
Cau 25: Tinh F=Il+xmxexdx
1 X
1
A. F=¢ B. F=¢" C. F=e?
Cau 26: Tinh M = j3+lnx dx

(xe1)

A M= 1 3- ln2 B. M:l 3+ln2 C. M:l 3+ln2 D. M:l 3—ln2
2 16 2 16 4 16 4 16

5
Cau27:TinhE:j NS
nsm2x
n
1 1
A E=2 B. £=—In3 C. E=In\3

5

D. 15.

32
" 45

D. F =e¢?

E=lln\/§
2

2
Cau 28:Cho [ = IZxx/xz —1dx vau=x"-1. Chon khingdinh sai trong cac kimgdinh sau ?

Chuyéndé 4. Nguyén ham — Tich phan
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3

3 2 3
A.Izguz . B.I:jﬁdu. C. :gﬁ. D.Izjﬁdu.
0 1 0
5 y
Cau 29:Tinh F = j "' * gin x cos® xdx
0
e—1 1—e
A F=S+1 B. F=X-1 c.F=2"—_ D.F=—°F¢
2 2
, 4 1
Cau 30:Biet J'Ex +—jdx =6+Inb. Gia ti ciabla:
X
2
A b=7 B.b=5 C.b=2 D.b=3
5
Cau 31:Hay tinh K = [ dx.
X
3
A. K=lln§. B. K=lln§. C. K=lng. D. K=1n§.
25 23 5 3

5
Cau 32:Cho E = I2x ln(x —l)dx vadit u = In(x —1),dv = 2xdx . Chon khing dinh Sai trong cac king
2

dinh sau
5
2
A. E=251n4—(%+x+ln‘x+l‘j B. E:24ln4—2—27
2
5 1 5 5 x2
C. E=25In4~[| x+1+— |dx D.E=(x21n(x—1)) - [ dx
S x—1 2 2x—l
3
CAu 33:Hay tinh N = j(\x+1\+\x—2\)dx
-2
A. N =31 B. N=71 C.N=17 D. N=15
2
Cau 34:ChoJ = len xdx vadit u =1Inx,dv = xdx . Chon khiing dinh Saitrong cac khingdinh sau
1
2 2 ) 2 2
A J=|XInx —jxdx B.J=| x| -1
2 s 2 A
3 x’ ’ 1
C.J=2In2-2 D.J=|2Inx +—jxdx
4 2 o2y

\ /2(1 —cos 2x)dx

—_— Y

Céau 35:Hay tinh P =

5

A p=Z B.P=4 c.p="=" D.p=4+"

4 2
. ) ’ 3

Cau 36:Tinh I =I(2x——jlnxdx
X
1

2 + 2 2 2_
A 1= +1 B =1"¢ c.1=5-1 p.7=¢"1

2 2 2 2

Chuyéndé 4. Nguyén ham — Tich phan ° Ung dung cia tich phan
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" 2 B 3x \5 1—cosx s s , N
Cau 37:Cho bét I—dx‘a vaJ‘ - dx =b . Khi d6 tich @ia a.b bang:
o vVl +1 £s1nx(1+cosx)
’;
A. 1 B.3 C.1 D. 19
3 3
2 1
Cau 38:Tinh € = [ —; dx
y, COS 3x(1+tan3x)
A. C=%+ln2 B.C:%ln2 C.C=3In2 D. C=In2
Céu 39: Tinh J =I(e°°” +x) sin xdx
0
AJ=e-tan B.J=etiern C.u=tin D.J=e-1+7
e e e e 2

7

3
Cau 40:Cho J = [ Ly var =3/3x+1. Chpn khing dinh Saitrong cac klingdinh sau

03\/3X+1
5 2 2 2

A J=L g B. =20 C. J=j(z4+2r)dr D. lej(z4+2r)dz

3(s ), 15 1 3
R o & 3sinx —4sin’ x

Cau 41.Gia ti cﬁaF:j dx
v l+cos3x

A. F=§ln2 B. F=2In3 C. F:%ln3 D. F=21n3

b
Cau 42: Tap hop cac gia trciab sao choI(Zx—4)dx =5.
0

A. {4}. B. {~1:5}. c.{s}. D. {~1:4}.

2
Cau 43:Tinh H = jx5 In xdx
1
A. H:321n2—Z B. H:£1n2—l C. HZQ—ZIHZ D. H=21n2—z
4 3 4 3 4 3 4
0 1 3
Cau 44:Biét [ — g va | *_dx=. Giati cia log, < bing
Lx°+2x+2 o X +1 B
A T B.4 C.2 D.%
. a ‘
Cau 45:Biét a - [sin* xdx =0. Gia ti ciaa bang:
0
A 3T B. > c. L p. 37
5 11 16 16

Cau 46: Dién tich hinh phng tddam trong hinh bédugc tinh theo céng trtc nao sadtay ?

Chuyéndé 4. Nguyén ham — Tich phan 6 Ung dung cia tich phan
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y

o X

A. S= —j Fx)dx + } F(x)dx. B.S= j F(x)dx+ } F(x)dx.
C. S:jf(x)dx. D. S:jf(x)dx—jf(x)dx.

A e _63 dx
Cau 47:Tinh J = e[—xlnxln(lnx)

A. J=ln% B.JZIn% C.J=In3 D. J=In2

1
Cau 48:Tinh C = jx3 x? +ldx
0

A, C:JEJ’1 B. c:zﬁ_1 C. c-zﬁ+2 D. c:&
15 15 15
’ZT s1n(x—4}
Cau 49: Tinh D j dx
o Sin2x +2 1+s1nx+c0sx)
A Dzz—aﬁ 5 D:4+3JE c D:4—3JE o D_2+3J_
2 4 4 2
SN
Cau 50:T|'nhE=J.12.ﬂdx
0 1+sin2x
A. E=%+ln2 B. E=In2 C. E=2In2 D. E=%ln2

Cau 51: Tinh tich phar = jxln(1+x)dx.
0

A.I=l. B.I=é C ]:l. D [:—l
4 4 2 4
Cau52:Tinh = | Inxdv
1x(2+lnx)
A H=l-13 B. H=l+In> C.H=-14+m3 D. H=-t-1n3
3 2 3 2 3 2 3 2
3
Cau 53: Tinh K = jsm X COS xdx
0
A K=2 B. K= c.k=" D g=2T"
3 3 3 3

Chuyéndé 4. Nguyén ham — Tich phan ! Ung dung cia tich phan
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e e 7
Cau 54:Biét jln—xdxza véjln  dx =b. Khi d6 két qua ciia a +b bing
1 X 1 X
A L B.> c. L p. 8
2 8 8 5
1
Cau 55:TinhA:jx x? +1dx
0
A, A:Z*/g_1 B. A:Z\/EJ’1 C. A:& D. A:ZJ’J5
3 3 3 3
25 1
Céau 56:Hay tinh L = | ——dx.
17
A. L=22. B. L=4. C. L=8. D. L=16.
1
Cau 57:TinhD:Ix\/x+1dx
0
A p=tV2td B.D:‘“”/E C.D:4\/E_4 D.D:3\/5+1
15 15 17 15
o
Cau 58:Tinh F = j 21+ 4sin3x cos 3xdx
0
A F:1(5\/§—1) B. F=55-1 C. F:i(sﬁﬂ) D. F:ﬁ
9 27 9
Cau 59: Tinh tich phar/ = j cos” x.sin xdx.
0
A. 1=0. B./=-2. c.1=2. D.1=2.
3 3 2
Cau 60: Tinh K = | Inex .
11+xlnx
A. K =In(1+e) B. K=%ln(1+e) C.K=e D. K=1+e
Cau 61:Tinh P = j cos(In x)dx
1
m V4 2 _ T
A p=-9*l B. p=¢*1 c.p=¢*l D. p=1=¢
2 2 2 2
0
Cau 62: Hay tinhJ = I3"+1dx.
-1
A J=2 B. /=13, C.J=2. D.J=_
In3 2 In3
Cau 63:Tinh F = j " cos xdx
0
A F=-L*€ B. F=—1 c.rFr=-2 D. F=1t¢
2 2 2 2
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1

Cau 64:Tinh B = jx3 Jx* +1dx

0
3(2%—1) 3(23 2 1)
AB=_\__ 1 gp=\"" 1
16 8

Cau 65: Tinh tich phar/ = j cos’ x.sin xdx.
0

1N
o
~
1
)

A I=-7.

Céau 66: Tinh tich phan =

o'—.w\ﬁ

A K=—. B.K=7.

1
Cau 67:Cho I :j\/l—xzdx va x =sint,tD{
0

A 1="
4

2

C. I 21 t+lsint
2 2

0

cos’ xdx = §+1. Gia ti cuaK la:

3[n _ 3(232+1)
C B:Zﬁ ! D. B=

16 8
C. 1:—1. D. 1=—lﬂ4

4 4
C.K= % D. K=-1.

. Chon khing dinh Saitrong cac klingdinh sau

(SEIN

B.I= j\/ cos’ t cos tdt

(=]

1
D. I =IV1—sin2tcostdt
0

Cau 68: Tim khﬁng dinh sai trong cac kimg dinh sau.

Aedx>J.

s

4
C. |sin® xdx < jsin 2xdx.

Sl by Oy

2

Cau 69:Cho!I =

—e—_ g

X +2

>
~
]
(SSERS)
g

22
dt B. I=—J.dt
31

2
Cau 70:Tinh H = sz 1n[1+1jdx
X
1

A H :3ln3+zln2+l
3 6

C. H :21n2—£ln3 +l
3 6

Cau 71:Tinh P = J'

xlnx

A. P=2+1n2 B. P=In2

Chuyéndé 4. Nguyén ham — Tich phan

B. jln(1+x)dx>jx_1

0

dx.

e—1
1

D. | _de>j(l+xj2dx

0

dx vat=~/x>+2 . Chon khing dinh Saitrong cac klingdinh sau

10

c.1=2 -2(10-+3)
305 3
1
B. H=31n3—21n2+g
D. H=31n3—£ln2+l
3 6
C.P=2 D. P=2In2

Ung dung cia tich phan
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2
Cau 72:Hay tinhI = I\/x +2dx
1

N 1_16\/_ 5 o 13-3V3
3
1
Cau 73:Tinh I = J.(x—l)exdx.
0
1
A I=2-e. B.I=E+e.

3

Cau 74:Tinh G = jx
e —1

A. G=21n(e2+e+1)

C. Gzln(e2+e+1)

Cau 75:Cho J = I 4—x*dx vax= 2s1nttD[—

A. J—I—T+_3
3 2

n
6

C. J=l t+lsin2t
2 2

0

Céau 76:Cho | sin" x cos xdx =6—14. Gia ti cua n.

O =y Y

A. n=4, B. n=5.

-6\3

DI——

c.r1=%"_". D. I=1-¢.

B. G=2—1n(e2+e+1)
D. G=1n(e2+e+1)—2

g} . Chon khing dinh Saitrong cac khingdinh sau

H
B.J= 4! cos® tdt
0

%T

D. J = |v4—sin®t.2 costdt
[y
0

C. n=6. D. n=3.

x“+1)e . )
Cau 77:Cho K = I%d’c' Chon khangdinh Bung trong cac khngdinh sau

(1)

A K=-e+1

2 X
C. K=—@ +1(x+1)exdx
x+1

2 5 5
Cau 78: Cho céc tich pharj f(x)dx =4, j f(x)dx =3 va j g(x)dx =6.. Véi moi xO[=2:5], tim khing
-2 2 -2

dinhdang.

A. if(x)dx > ig(x)dx.

C. jf g(x)dx > j J()dx.

Cau 79: Hay tinh K = j‘de
SINxE+Hx+1
A K=23-1 B. K=23

Chuyéndé 4. Nguyén ham — Tich phan

B. f(x)< g(x).

D. f(x)>g(x).

C. Kzz(\@—l)

10

D. K:2(\/§+1)

Ung dung cia tich phan
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1
Cau 80:Chol = jxe"dx vadit u = x,dv = e*dx . Chon khing dinh Saitrong cac klingdinh sau
0

1

1 1 1

1

1
A =1 B.I:(xe )O—e . C.I=(xe )0+_([edx D.I=(xe )O—Qedx
1
Cau 81:Tinh K = Ixzxg/l — xdx
0
K:% BK:% CK:% DK:%
3825 8243 25 3325
3 7
Cau 82:ChoK = jxsin xdx . Khang dinh nao sadaybung ?
0
RN . 2
A. K =| —cosx B. K=(—xcosx)‘2 +'[cosxdx
2 0 ° 0
5
C.K=0 D. K=(xsinx)‘§ +Icosxdx
0
1
Cau 83:Tinh I :jxln(1+x2)dx.
0
A.I=21n2+1. B.I:21n2_1. C.Izlnz_l. D.I=-—.
2 2 2 2
, ¢ Inx
Cau 84:Tinh F = | ——dx
'!.x\/1+lnx
A. F=& B. F:ﬂ C. F:4+2ﬁ D. F:4_2*/E
3 3 3 3
R c. 2 1 1
Cau 85:Gia ti citaadée H :I—zdx =—
l)C a
A. a=4 B.a=1 C.a=2 D.a=3
4
Cau 86:Tinh B = j x cos 2xdx
0
A. B:7_T+l BB:7_T—1 C B:ﬂ--'-1 D B:ﬂ-__1
8 4 8 4 8 8
7
Cau 87:Tinh N = j ¢* sin xdx
0
2 - IET
A N=1F€ B.nN=1"¢ c. nN=1t¢ D. N=1F¢
2 2 2 2

o _
Cau 88:Néu J(4—e zjdx:K—ze thi gia ti ciaK 1a
-2

A. 10. B. 9. C.12,5. D.11.

11
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4 2
Cau 89:ChoE=j(x2 +3J§)dx va F = [(x* =3x*)dr. Méi lien ¢ gitaE vaF la;
1 1
A E>F B.E=F C.E=—F D. E<SF

1
Cau 90:Biét [(2x+2)e’dx=2a. Gia ti cia Ina la
0
A1 B.2 C.4 D.8

Cau 91:Tinh I = jxlnxdx
1

1
Cau 92: Tinh tich phar/ = j xe'™dx.
0
A 1=1. B.I=1-e. C.1=-1. D.I=e-2.

x+1

21 2 2

AM=2"limr B M=243m2-1 C.M=e+3n2-L D. M=% +3m2-+
2 2 2 2 2

1
Cau 93:Hay tinh M :j(e“ FEEENFN
0

Cau 94:Biét j(x +1)e‘dx=a. Tinh Ina
0

A. Ina=e ,B. Ina =1 C Ina=10 D. Ina=0
Céau 95: Trong cac tinh cit sau c6 bao nhiéu tinh athting ?
b a b b
Tinh chit 1. [ f(x)dx =~ [ f(x)dx, a>b. Tinh chit 2. k[ f(x)dx =k [ f(x)dx.
a b a a
) b b b ,
Tinh cHit 3. j [ f)+g(x) |dx = j F(x)dx + j g(x)dx.  Tinh chHit 4.

[ reods =] fod+ [ fear, a<e<

A. 2. B. 3. C. 4. D. 1.
1
, 2 :
Cau 96:Biét H = | —dx =0 . Gia ti cia sina +cosa bang:
ovl—x
A 13 g 113 C. 3 D. L
2 2 2 2
- 1(x2+1)ex a .
Cau 97:Biét [*———dr=". Giati cia P=a+Ina I
0 (x+1) 4
A. 3 B. e+1 C.2e+In2 D.4+1n2
Cau 98: Haly tinh £ = [ 1+ cos 2xdx
0
A E=2m2 B. E=2\2 C. E=22+1 D. E=2-2
12
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21
Cau 99:Hay tinh F = [ V1+sin xdx
0

A E=+2 B. E=4/m2 C.E-ﬂ D. E=42

ln(ln x)

Cau 100:Tinh F = j

A. F:3ln3—2ln2—1 B. F=2In2-3In3-1 C. F=3In3+2In2+1 D. F=2In2+3In3-1

o'——.w\hl

Céau 101:Cho E = |sinxIn(cos x)dx vadat u =In(cosx), dv—ldx Chon khing dinh Pang trong céac
X
khangdinh sau
.l 1
A. E =—sinxln(sinx)‘3 —J.cosxdx B. £ :—(ln2+1)
0 0 2
g 3 kg kg
C.E =—cosxln(cosx)‘g +Isinxdx D. E =—cosxln(c0sx)‘g +cosx‘§
9
Cau 102:Tinh F = | Vx dx
x -1
A. F=7-2In2 B. F=7+2In2 C. F=2+In2 D. F=7+In2
Cau 103:Tinh F = jlnx”dx
> X le
A. F=In2 B. F=2+1n2 C. F=2-1n2 D. F=2In2
cau 104:TinhE=j. Al
0N x”+1
A E=+2 B. E=2+1 C. E=2\2-1 D. E=~2-1
In2
Céau 105:Tinh L = J.xe_“dx
0
ap=if3,n2) g 13 W2) o 32 p.p=3-In2
3\4 2 414 2 4 8 16
2
Cau 106:Tinh I = [ 2¢™dx.
0
A. 1=3¢"-1. B.I=¢"-1. C. I =4¢". D.I=¢".
2 1) et
cau 107:E:j(1+x——Je *dx
X
2
s s 2 s
A. Ezge2 B. E:ze2 C. Ezge5 D. E:ge2
2 3 2 5

d d b
Cau 108:Néu [ f(x)dx =5, [ f(x)dx =2 voi a<d <bthi [ f(x)dx bing:
b

A 7. B. 2. C.8. D.3.
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) 23 dx .
Céau 109:Biét =a . Gia ti cia cos2a bang:
, X~ +4
A. -1 B.0 C. ﬁ D. L
2 2
sl
4
Cau 110:Tinh H = jsm\/_dx
0
A. H=22 B. H=2 C.H=§ D.H=2?7T
5
Céau 111:Gia sir . Giati ciacla
A. 81. B. 8. C.3. D.9.
cau112:Biét [ =274 Gig 4j cuaa la:
X 8a
A. a=16 B.a=2 C.a=4 D.a=8
A4 1Y
Cau 113:Biét I(x +—j dx =2a+5.Giaticiaala
X
2
A. a= 512 B. a= 215 C.a=£ D.a:@
12 12 24 24
Cau 114:Tinh B = jtan X
cost
A, B=%1n(2+\/§) B. B (2+«/_) 10\/_
C.B=h (2+\/_) 10\/_ D. B—il (2+x/_) 10\/_

4
Cau 115:Cho ham & f(x) c6dao ham tréndoan [ 1;4 ], f(1) =1 va f(4)=4. Tinh I = j £'(x)dx.
1

A. 1=-3. B. I=5. C.1=3. D. I1=4.
In2

Cau 116:TinhH:j ¢* —ldx
A H=2-¢2 B. H=2+¢" C. sz—g D. H:2+g

b
Cau 117:Biét sz—1 x =b. Gid ti ciab la:
0

A. b=3 B. b=4 C.b=2 D. b=5
+
Cau 118:Hay tinh 7 = j%
, X+3
A. 1=2. B.I:2+3lni. C.I:l+3lni. D. I:lni.
3 2 3 3
14
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§3.UNG DUNG CUA TiCH PHAN TRONG HINHH QC

A. KIEN THUC CAN NAM

1. Dién tich hinh phing
+ Néu hinh pling duoc giéi han bsi o thi cia ham & f(x), lién wc tréndoan | a;b |, truc hoanh va hai
duong thing x = a, x = b thi dién tichS cua ndduoc tinh theo cdng trc:

s=[|Ffx

b
Cha §: Néu trén| a;b | ham $ f(x) giir nguyén not déu thi: § = [| £ (x)ldx =

b
J f(x)dx‘

+ Néu hinh pling dugc gioi han boi hai db thi cia hai ham & y = f(x), y = g(x) lién tyc tréndoan
[a;b] va haiduong thing x = a,x = bthi dién tichS caa ndduoc tinh theo cong tic:

b
§= [ £ (x) = gopdx
Chd ¥ Néu tréndoan [ @ B biéu thirc f(x) — g(x) khongddi dau thi:

B B
[1F0) = golax =|[[ £(x0) - g(x)]dx
a a

2. Thé tich vat thé v ’ »
Gidi han vat thé V boi hai mat phang song song, vuéng goéivtruc hoanh, &t truc hoanh i hai diém co

hoanhds x = a,x =bva S(x)la dién tich thét dien ciaV vudng géc ¥i Ox tai x 0 a:b |. T tich dia

b ’
V duoc cho i cong thic: V = j S(x)dx. (S(x)1a ham 6 khong am, liényc tréndoan | a:b |)
3. Thé tich khéi tron xoay
Cho hinh pling gisi han bai @6 thi cia ham 8 f(x), lién wc tréndoan [a;b] truc hoanh va hatuong
thang x = a,x = b quay quanh trc Ox, taduoc khii tron xoay. Tk tich aia khbi tron xoay nayduoc cho
b
boi cong thic V = nj F(x)dx .
B. BAI T AP TRAC NGHIEM
Cau 1: Tinh dén tich hinh pling S giéi han bsi do thi cac ham & y =2*,y =3—x, truc hoanh va trc
tung.
A.S:L—2 B. S=In2+2 C.S:L+2 D.S=2
In2 In2
Cau 2: Tinh dién tich hinh pling duoc gioi han bai db thi cia ham 8 y =cosx,y =0 va haiduong

; T
thang x = —E,x =L

A S=32 B.S=23 C.5=8 D.S=3
Cau 3: Tinh tk tich aia khbi tron xoay 4o thanh khi quay quanhytr hoanh i hinh phing giéi han boi
d6 thiham § y =l, truc hoanh va hatuong thing x =1,x = 2.
X

T TIn2 T
2 4

A V= B. V= 5 C.v=
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Cau 4: Cho hinh @) gi6i han boi cacduong x =~/5y%,x =0,y =—1 va y =1. Tinh tté tich aa khbi tron
xoay to thanh khi quay hintH) quanh tac tung.
A V=2 B. V=4 C.v=omr D.V=8m

Cau 5: Cho hinh pling gisi han bai d6 thi ham é y =Inx, truc hoanh, hadtuong thing x =1 va x =2.
Tinh thé V caa khbi tron xoay #o thanh khi quay hinh fihgdé xung quanh trc hoanh.
A. V=271’ 2+2In2+1) B. V=27(In’2-2In2+1)

C. V=27T(1n22—2ln2) D. V=7T(ln22—2ln2+1)

Cau 6: Cho hinh H) gi¢i han i cAcduong y =0,x =4 va y=+/x —1. Tinh tté tich @ia khi tron xoay
tao thanh khi quay hintH) quanh tac hoanh.
17 24 1 St

A V=—o B.V="C cC.v=-- D.y=2"
16 25 6 6

Cau 7: Cho hinh pling (H) gii han bsi @6 thi hai ham & y = x* va y =6 ~|x|. Thé tichV cita ki tron
xoay to dugc khi quay hinh (H) xung quanhitrtung la.

Ay =27 B. v =27 c.y=327 D.y=2"
4 3 3 3

Cau 8: Cho tam giac vudngOPM c6 anh OP nam trén tnc Ox. Pat OM =R P/OA\/I:a

(O <a S%T,R > OJ . Tinh tré tich khbi tron xoay thuduoc khi quay tam giadé quanh tuc Ox theoa va

R.

3 3 )
A. V:%(sina’—sin3 0/) B. V:%(cosa—cos3 0/)

3 3
C. V:%(sina%sin3 a’) D. V:%(cosa%cos3 0/)

Cau 9: Tinh tké tich aia khbi tron xoay #o thanh khi quay quanhuts hoanh i hinh phing gisi han cac

duong y =sinx.cosx,y =0,x =0,x :g.
A.V=i B.V:i C.V:i D.V:i
25 16 9 4

Cau 10: Cho ham & y=x*-6x*>+9x (C). Tinh dén tich hinh phng gi6i han boi do thi (C) va tuc
hoanh.

A.S:i B.S:i C.S:2 D.SZE
24 27 4 36
Cau 11:Dién tich hinh pling Sgigi han boi cacduong congy = x +sinx vay=x, (0<x<27m) la.
A. S=4. B. S=-4. C.S=0. D. S=1.

Cau 12: Tinh tte tich aia khbi tron xoay 4o thanh khi quay quanhutz hoanh rdi hinh pting givi han
boi db thi ham 8 y =¢*, truc hoanh va hatuong thing x = 0,x = 3.

e —1)m 6 e® —1)m e +1)mr
(=) B.v=" C v:—( ) D.V:—( )

A V= .
2 2 4 4
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Cau 13: Dién tich hinh pling gibi han boi dudng congy? = 4ax,a >0 vaduong thing x =a bing ka’.
Gia ti cuak bang:

A k=2 B. k=2 C. k=3 D. k=S
8 8 5 3
Cau 14: Tinh dén tich hinh pling Sgidi han boi cacduong congy :\/;,x+2y2 =3 va tuc hoanh.
A. S=12 B.S=% C.S=2 D.S=§

Cau 15: Tinh dén tich hinh pling duoc giéi han boi dudng congy = x* —2x +2, tiép tuyén véi dudong
thang nay #i diém M(3;5) va tic tung.

A. . §5=9 B.S=18 C.S:% D. §=27
Cau 16: Tinh tré tich aia khbi tron xoay #o thanh khi quay quanhutr tung ndi hinh pHing giéi han boi
d6 thi ham $ y =3 -x?, truc tung vaduong thing y =1.

A V=21 B.V=r C.V=m-2 D.Vzg
Cau 17: Cho hinh H) gi6i han boi cAcduong y = xe?,y =0,x =0 va x =1. Tinh tk tich aia khdi tron
xoay &o thanh khi quay hiniH) quanh tac hoanh.

A V=2m-e B.V=me-2 C.V=rme-2) D. V=2emr
Cau 18: Tinh t tich aia vat thé nam giira hai mit phing x =—1 va x =1, biét ring théét dién caa vat thé
bi cit boi mat phaing vudng goc i truc Ox tai diém cé hoanhido x (-1<x<1) [a mdt hinh vuéng anh

la 241 -x2.
A.v:E B.V=§ C.V=16 D.V:Q
3 3 3

Cau 19: Dién tich hinh pling Snam trong goc phn tir thir nht, gii han boi cacduong thing y =2x va
d6 thi ham é y = x? la.
A s=3 B.§=2 c.s=2 D.s=2
2 15 3 3
Cau 20: Ki hi¢u (H) Ia hinh pling givi han boi @b thi ham $ y=2(x~1)e*, truc tung va tac hoanh.
Tinh thé tich V caa khi tron xoay thuduoc khi quay hinhi) xung quanh trc Ox .

A V=(4-2¢)1 B.V=¢-5. C.V=4-2 D.V:(ez—S)ﬂ.
Cau 21: Tinh dén tich hinh pling gi6i han boi cacduong y =2 +sinx,y =1+cos® x,x =0Va x = 7.
A s=T42. B. s="4+3. C. S=m+2. D. s=27".
2 2 4

Cau 22: Xét hinh pling H gi¢i han boi y =2v1-x* vay =2(1-x). Quay hinfH xung quanh trc Ox.
Tinh thé tich kibi tron xoayduoc tao thanh.

1 1 4 4

Cau 23: Tinh dén tich hinh plng duoc giéi han boi hai do thi cia ham 8 y = cosx,y =sinx va hai
duong thing x =0,x = 77.

A S=2+2 B.S=+2 c.s=22 D.S=2-2
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Cau 24: Tim thé tich \at thé tron xoay thutuoc khi quay hinh ping gidi han boi cacduong y =2x* va
y =x’ Xung quanh trc Ox

A V_2567T B. V_2677 C. V_5677 D. V_3567T
35 35 35 35

Cau 25: Tinh tré tich aia vat thé nim giita hai mit phaing x =0 va x = 77, biét ring thiét dién cia VAt thé
bi cat boi mat phang vuéng goc &i truc Ox tai diém ¢6 hoanhio x (0< x <) la nbt tam giaaiéu canh

la 2+/sin x.
A V=213 B.V=+3 C.V=2+3 D. V=+3-2

2
Cau 26: Tinh din tich hinh pling Sgidi han boi cacduong congx = y3,x +y* =2 va tuc hoanh.
5 6 7 9

A S=2 B.S=— C.S=—= D.§S=2
6 5 3 8

Cau 27: Thé tich khbi tron xoay 20 bsi mot hinh thang cong @i han boi db thi ham $ y = f(x), truc Ox,
hai duong thangx a, Xx=b (a<b) quay quanh trc C)(duoc tinh i cong thic.

A V= ﬂjf (x)dx B.V= ﬂzjf (x)dx

C. v=jf2(x)dx D. v=njf(x)dx

Cau 28: Tinh tté tich aia khji tron xoay #o thanh khi quay quanhutr hoanh i hinh phing gidi han
cacduong y=Inx,y =0,x =2.

A. V=77(1n22—21n2+1) B.V=2(ln22—21n2+1)
C. V=27T(1n22+21n2+1) D. V=27T(1n22—21n2+1)

Cau 29: Tinh tre tich aia khbi tron xoay #o thanh khi quay quanhutr hoanh rdi hinh phing givi han
dd thi ham é y =+/x , truc hoanh va hatuong thing x = 0,x =2

A V=2-m1 B.V=2+r C.v=2mr D.v=m
Cau 30: Thé tich V cua khdi tron xoay 40 nén do quay xung quanhudrOx hinh pting (H) givi han boi
cacduong y :(l—x)z,y =0,x=0vax=2 la

A v=21 B. V-ﬂ c.v=2 D. V=27

2 5

Cau 31: Tinh té tich aa hinh pling (H) quay quanh tic Ox, biét (H) gisi han bsi cacduong y =~/xe?,
y=0,x=1x= 2.

AV =@ B.V=r® C.V =7 D.v=2

e

Cau 32: Dién tich hinh pling gi5i han bai d6 thi ham $ y = f(x) lién wc, tuc hoanh va 2uong thing
x =a,x =b dugc tinh i céng thic.

b b b b
A. S =2f|f(x)dx B. S = [|f(x)ldx C. S =] f(x)x D. S =71 | f(x)ldx
0 a a a

Cau 33: Tinh dién tich hinh phing dwoc gisi han bsi duong congy = x* +1, tiép tuyén v6i duong thing
nay ti diém M(2;5) va tiic tung.
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A.S:g B.S:§ c:.S:é D.S:§
8 3 8 5

Cau 34:Tinh din tich hinh phng Sgiéi han boi d6 thi cAc ham & f(x) = x* =3x va g(x) = x.
A. S=12 B.S=0 C.5=16 D.S=8

Cau 35: Tim thé tich V caa phin vat thé gisi han bai hai mat phang x =0 va x =3, biét ring thiét dién
cua VAt thé bi cit boi mat phaing vudng goc &i truc Ox tai diém co hoanhio x,(O <x< 3) la mot hinh

chix nhat cé hai kich tiréc 1a x va 2v9—x*.

A V=9 B.Vzg C.Vzg D.V=18

5 2

Cau 36: Tinh din tich hinh pling duoc gi6i han bi db thi ciaa ham 8 y =xe?, y =0 va haiduong
thaing x =0;x =1.

A S=4+2e B. S=4-2e C.5=4-e D. S=2-4e
Cau 37: Cho hinh pling giéi han boi duong congy =sinx , trac hoanh va hatuong thingx = 0,x = 77 .
Tinh thé tich khbi tron xoay thudwoc khi quay hinh nay xung quanhdrOx.

AV:i BV:l
2 2
cv=" o v =37
2 2

Cau 38: Cho hinh M) gisi han bai cacduong x =/2sin2y,x =0,y =0 vay :g. Tinh tté tich aia khbi
tron xoay &0 thanh khi quay hinfH) quanh tac tung.

Av=L B.v=" c.v=" D.V=2r
2 3 4
Cau 39: Xét hinh pling H gici han bdi y =2v1-x> vay =2(1-x). Tinh dgn tich hinhH.
I _m-1 _TT _mr+l
A Sy, _5+1 B. S, == C. Sy, =7 1 D. S, =

Cau 40: Dién tich hinh pling S ndm trong goc phn tr thir nhit, gioi han boi cac duong thing
y=8x,y=x vadothiham ¢ y=x" la.

A.S=ﬁ B.Szﬁ C.S:Q D.S=i
3 4 4 63
Cau 41:Dién tich hinh pling Sduoc giéi han bai cacduong congy =x*,y=2-x vax=0 la:
A.S=H B.S:2 C.5=0 D.S=—H
12 17 12
2
Cau 42: Tinh dén tich hinh pling Sgici han boi dd thi cac hamé y =\x2 —4|,y :%+4.
A s= B. 5= c.s=% D.s=1
14 3 4 12

Cau 43: Cho hinh phing (H) gibi han boi d6 thi ham $ f(x) =", truc Ox va haiduong thing x =0 va
x =1. Thé tich V khéi tron xoay khi quay hinh (H) xung quankdrhoanh cho & cong thic:
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1 2 1 2 1 1
A V= (nj e“de B.V= n{ j e“de C.Vv=rm j e dx D.V= nj e dx
0 0 0 0

Cau 44: Thé tich V caa khbi tron xoay 20 nén i phép quay xung quanhutr Ox caa mdt hinh pting

. o -1 | .
gidi han boi cacduong y =x—,y =— vax =1 la:
X X

A. v:n(1—21n2) B.V=-m1 C.V=0 D. V:n(21n2—1)

Cau 45: Tinh dgn tich hinh pling S gioi han boi do thi cac ham & f(x) = x’ —x” ~2x trén|[-1;2] va
truc hoanh.
A_S:ﬂ B.S=0 C.S:£ D.S:—ﬂ
12 37 12
Cau 46: Tinh dién tich hinh phing duoc giéi han boi d6 thi cia ham 8 y = x°, truc hoanh va haiuong
thang x = —-1,x =2.
21 1 17 17
A S=— B.S:—9 C.S=— D.S=—
23 2 2 4
Cau 47:Cho ham é§ f(x) :x(x—l)(x—z). Dién tich hinh phing S gi6i han bsi dd thi ham 6, truc Ox
va haiduong thing x =0,x =2 |a.

A S= jf(x)dx B.S= 'z[f(x)dx
C.S :fff(x)dx D.S ='1[f(x)dx—j‘f(x)dx

Cau 48: Tinh dién tich hinh pling duoc gi6i han boi dd thi ciaa ham 8 y=x’—4x, y=0 va hai
duong thing x = -2, x = 4.

A S=84 B. =24 C. §=48 D.S=44
Cau 49: Tinh the tich @ia khbi tron xoay o thanh khi quay quanhuts tung ndi hinh pting gisi han boi
do thi ham  y =1In x, truc tung va haduong thang y =0,y =1.
(l—ez)ﬂ (ez+1)7T (ez—l)ﬂ (1+ez)ﬂ

A V= B.V= C.v= D.V=

Cau 50: Tinh tte tich aia khbi tron xoay 8o thanh khi quay quanhutr hoanh ri hinh phing givi han
bdi cacduong y =2x-x>,y=0.
A v=107 B. v=197 c.v=10 p. v =17
25 15 15 16
Cau 51: Tinh tte tich aia khbi tron xoay 4o thanh khi quay quanhutt hoanh rdi hinh pting givi han
béi @6 thi ham $ y = x(4 - x) va tuc hoanh.
R L
15 3 3 15
Cau 52:Viét cong thirc tinh tie tichV cua khdi tron xoayduoc toa ra khi quay hinh thang conggihan
boi do thi ham  y = f(x), truc Ox va haiduong thing x =a,x =b (a < b), xung quanh trc Ox .

A V= nj F(x)dx. B.V= njbf F2(x)dx. C.V= j F2(x)dx. D.V= nﬂ ()| dx.

Cau 53: Tinh Sdién tich hinh plng giéi han boi do thi ham § y = x* —x vadd thi ham & y = x — x2.
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A. S=£. B. $=13. C.S=3—7. D.S=g.
9 12 12

Cau 54: Cho hinh H) giéi han boi cacduong x :g,y =0 va y =4. Tinh tré tich aia khbi tron xoay 4o
y

thanh khi quay hinhH) quanh tac tung.

A.V=3mr B.V=5mr C.v=im D.V=9mr
Cau 55: Dién tich hinh plng Sgiéi han boi cacduong congy = x* vay = x° la.
A. §S=0. B.S=é. C.S=2 D. S=-4.

Cau 56: Tinh thé tich aia VAt thé nam giira hai it phing x =0 va x = 77, biét ring thét dién cia vat thé
bi cat boi mat phang vudng goc &i truc Ox tai diém c6 hoanhié x (0 < x< 7)) la mdt hinh vuéng anh

l[a 2+/sin x.

A. V=12 B.V=8 C.vV=8mr D.V=16mr

Cau 57: Cho hinh pling givi han boi cacduong thing y =+x va y = xquay xung quanhdc Ox. Thé
tich v caa khbi tron xoay 40 thanh la.

A V=-m B.V=%T. C.v=rm D. V =0.

Cau 58:Cho hai ham&y = f.(x) vay = f,(x) lién tic trén B; b]. Dién tich @ia hinh pling gisi han boi
dd thi caa hai ham & va caaduong thing x =a,x =b duoc tinh i céng thic:

b b b
A. S =] fi(xdx = f,(x)dx B. §=[(f,(x) = f,(x))dx
) “ ) )
C. S =[|f,(0) = f (0 D. S = f,(x)dx + [ f,(x)dx

Cau 59: Cho hinh M) gisi han boi cacdudong y =cosx,y=0,x=0 va x :%T. Tinh tré tich aia khbi

tron xoay #0 thanh khi quay hintH) quanh tac hoanh.

n(778+ 2) _mm-2) T2 o v T*2)

A V= .
16 8 16

1o . .
Céau 60: Cho hinh H) gioi han bdi cacduong y = x%e?,x =1,x =2 va y =0. Tinh tt¢ tich aia khoi tron
xoay to thanh khi quay hintH) quanh tac hoanh.

2
A V= B. V = 72", C. v =nlet+1). D. v=”76.
Cau 61: Tinh dén tich hinh pling gi6i han boi cacduong y = x* +2x +1, truc hoanh,x =1 va x =2.
A s=2L B. 5=21. c.s=2, D.s=3.
4 4 4 4

Cau 62: Dién tich hinh pling Snam trong goc phn tir thir nht, gii han boi cacduong thing y =4x va
d6 thi ham é y=x’ la.

A S=4 B. $=12 C.5=7 D.S=5
Cau 63: Tinh tré tich aia khbi tron xoay #o thanh khi quay quanhutr tung ndi hinh pting giéi han boi
d6 thi ham $ y = x?, truc tung va haituong thing y =0,y = 4.

A. V=8 B.V=m-8 C.v=2m D.V=8+m
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ON TAP CHUYEN DE 4

e

Cau 1: Tinh tich phan/ = j x In xdx.

—_

2 2 _ 2 _ 2
A 1=t B.7=¢"1 c.r=2"*1 D. 7=17¢
4 3 4
Cau 2: Tim nguyén hamig ham 8 f(x) = cos2x.
A. [ f(x)dx =2sin2x+C. B. j f(x)dx=%sin2x+C.
C. jf(x)de—%sin2x+C. D. jf(x)de-Zsin2x+C.
3 _Ey2 _
Cau 3: Tim nguy&n hamiga ham é y:4X—52X1.
X
2 2 1 2 1 2 1
A. 2x* =5x+In|x|+C. B. x*-5x+=+C, C. 2x* -5x+=+C. D. —2x* +5x-=+C.
X X X
3
Cau 4: Tinh tich phan/ :jxsinxdx..
0
A T=-1. B.1=1-2. C.I=1. D.1=".
2 2

Cau 5: Tinh tré tich vat thé tron xoay khi quay hinh fing giéi han boi cacduong y :ix,y =0,x=1 va
x =4quanh tgc Ox.

Av=2 B.v=2 c.v=217 p.v=27
16 16 16 16
c c b
Cau 6: Néu Jf(x)dx:7 véf f(X)dx=5 véi a<c<b thi If(x)dx bang ?
a b a
A. 35. B. 2. C.12. D. -2.

1x
Cau 7: Thé tich \at thé tron xoayduoc gidi han bdi cacduong y=x2e?, x=1,x= 2,y = C khi quay
quanh toc hoanh 1&V = 7(ae? +be). Khi d6 a+b bing?
A. 2. B. -2. C.0. D. 1.

Cau 8:Cho :J.lnxdx. Khang dinh nao aéi day ladang ?
1

D. I=lln2x .
2

1

A. I=(xlnx—x)e.

1

e

B. I:(xlnx—l)‘j. C. I:(xlnx+x) .

1

Cau 9: Tinh dén tich hinh phng gibi han boi haido thi ham § y=x* —x vay=x— x>
A. S:ﬂ. B.S:z. C. §=12. D.S=£.
12 2 12
Cau 10: Ki hiéu (H) 1a hinh pling gi6i han bsi db thi ham $ y =Inx, truc hoanh va caduong thing
x =1,x =e. Tinh tré tichV caa khdi tron xoay thudwoc khi quay hinh ) xung quanh trc Ox.

A V=(e-2)m B.V=(e-1)m C.V=(4+2¢)m D.V=(e+2)
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3* -1

Cau 11:Tinh dén tich hinh plng duoc giéi han bai cacduong y = ,y=0 vax=1.
(37 +1)V3+1
2(3+2J5) 2(3—2@) _
:(3—2\/5)1n3. B.s=V ) gg=\V"_ "7 pg=3 2\/5.
In3 In3 In3
Cau 12:Tinh | :jco§x sinx o
0
A. | :E_ B. I=l C. 1 =§. D. | =—Z.
3 2 2 3

1 1 1
Cau 13:Cho j (2f(0)-g(x))dx=5 va j (3/(x)+g(x))dx =10. Tinh K = j F(x)dx.
0 0 0
A. K =5. B. K =10. C. K =15. D. K =3.
Inx
Cau 14: Biét j—dx-— (a,bON). Tinh S=alna+bInb.
A S=2+In2, B. S=2In2. C.S=1+In2. D. S=2.

Cau 15: Tim nguyén hamF(x) caa ham 6 f(x)=ltrén khaing (0;+), biét ring d6 thi ham $
X

F(e) =2e.
A. F(x)=Inx+2e-1. B. F(x)=1+2e—1nx.
C. F(x)=Inx +2e. D. F(x)=ln‘x+2e—1‘.

Cau 16: Thé tich v cia vat thé tron xoay sinh ra & hinh phing givi han bsi cac duong
y=+/cos* x+sin*x, y=0,x ZIET va x = 77 khi quay quanh trc Ox bang.

Ay B.v=2" c.y=3" D.v=2"
8 8 8 2

r

2
Céau 17:Cho tich phéan =J'sinx\/ 8+ cosx o vadat t =8+ cosx Khangdinh nao aéi day ladang ?
0

2|° 8 9
A :§t3 . B. | =/729-/512 C. | :jﬁdt. D. | :jﬁdt.
9 8

8
Cau 18: Tim nguyén han¥(x) cia ham & f(x)=cos3xcosx, biét ring dd thi ham ¢ y = F(x) di qua
di qua dic toado O.

A. F(x)zlsin4x+ic0s2x. B. F(x):%cos4x +%cos2x.
| 1. 1. 1.
C. F(x)=—sindx +Esm2x. D. F(x)=§sm4x +Zsm2x.

Cau 19: Biét J'(f/? +;jdx: a{‘/F+bln|x|+C. Tinh S =a+b.
3 24 23

A S=—. B. S=—. C. S=—. D. S=5.
5 5 5
Cau 20: Trong cac khngdinh drsi day, khingdinh nao sai ?
e+l X+1
A. Ixedx: X_+c. B. Iexdx: +C.
e+l x+1
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C. Icos 2<d(:1 sin2+C D. Iidx: In|x|+C.
2 X

Cau 21: Cho hinh pling giéi han boi duong congy =sinx , trac hoanh va hatuong thingx = 0,x = 77 .
Tinh thé tich kibi tron xoay thudwoc khi quay hinh nay xung quanhdrox.

A.V:i B.V=1 c.v=" D,V:ﬁ
2 2 2 2

Cau 22: Tinh tich phan = [ cos® x.sin xdx .
0
A I=-1. B.I=-m". C.1=0. D. [ =-—7".

2
Cau 23:Biét [(2x~1)Inxdk=aIna+b. Tinh P =ab.
1

A. P=-1. B. P=2. C.P:—E. D.P:§.
2 2
Cau 24: Tim nguy&n hanmF(x) cia ham 8 f(x)=¢>", biét ring d6 thi ham ¢ y = F(x) di quadiém

M(ln\/z;Z).
2x 1 2x 1 2x 1 2x
A. F(x)=e™" +1. B. F(x)zze +1. C. F(x)ZEe . D. F(x)ZEe +C.

Cau 25:Ki hi¢u (H) la hinh pling givi han boi db thi ham $ y=2(x~1)e*, truc tung va tac hoanh.
Tinh thé tich V caa khi tron xoay thuduoc khi quay hinhKl) xung quanh trc Ox.

A V=4-2e. B. V:(ez—S)ﬂ. C.v=(4-2¢)7 D. V =¢ -5.
< g X Vi
Cau 26:Biét [——dx=—~Inb (a,b0R). Tinh P =a.b.
o COS™ X a
A. P=+2. B. P =22. C. P=4. D. P=42.

Cau 27: Tim thé tich V cia pHin vat thé gisi han boi hai mit phang x =0 va x =3, biét rang thiét dién
ciia Vit thé bi cit boi mat phaing vudng goc &i truc Ox tai diém c6 hoanhio x,(OS x s3) la mot hinh
chix nhat cé hai kich tiréc 1a x va 2v9—x* .

A.V:% B. V=18. C.v=0. D.VZ?.

Cau 28:Ki hieu (H) 1a hinh pling gidi han boi d6 thi ham $ y =[x vay=x. Tinh tt tich vV cua
khdi tron xoay thutuoc khi quay hinf(H) xung quanh trc Ox.

A v=2T B.v=2" C.V=2rm pD.v=2.
3 4 6

Cau 29: Tinh tké tich khdi tron xoay 20 thanh khi quay tc Ox hinh pting gisi han boi cac duong
thang x:g,xZIT,yZO vay=+/1+cos*+sin*.

-7 i s s

AV . . .
8 8 8 8
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2
Cau 30: Biét tich phan((x* ~))inxax= 20250 piph s-aspec
C
1

A. S=5. B. S=17. C. §=13. D. S=0.

Cau 31: Dién tich hinh phng gioi han bai @6 thi ham $ y=x°-6x2+ 9x,truc tung va #p tuyén tai

diém c6 hoanhis thoa many” =0 duoc tinh king cong tic ?

2 3

A. S=[ (X ~6x" +12x~ 8)k B. S=[ (X’ ~6x"+10x~ 5)k
0 0
2 3

C. S=[ (X +6x* ~12¢+ B)k D. S= [ (=5 +6x*~10x+ 5)ck
0 0

d d b
Cau 32:Néu [ f(x)dx=5va [ f(x)dx=2véi a<d<b thi [ f(x)dx bing ?
a b a

A 7. B. -2. C.3. D. 8.
Cau 33:Biét [(sin2c+ cos®) d=m cose+n sinGC Tinh S=m+n.
A. Szi. B. S:—l. C. S=5. D. S:—E_
6 6 6
Cau 34: Tinh tké tich khbi tron xoay khi quay hinh ping giéi han boi cacdudong y = x(4-x) va y =0
quanh tac Ox.
A.V:5—127T. B.V:3—277'. C.V:5—12. D.V:3—2.
15 3 15 3

J8
Cau 35:Cho | = j\/16—x2dx vadit x =sint. Khangdinh nao d6i day la sai ?

0

A. | =2+4. B. V16-x* = 4cog C.dx=4cog d D. | = |16cot d

O t— iy

Cau 36:Biét F(x) la mot nguyén hamia ham 8 f(x) :L1 va F(2)=1. Tinh F(3).
e

A. F(3)=%. B. F(3)=In2-1. C. F(3)=In2+1. D. F(3)=%.

4
Cau 37:Cho ham & f(x) codao ham tréndoan [2;4 |, £(2)=2 va f(4)=4.Tinh I = j £'(x)dx.
2

A. I=6. B. I=-2. C.1=2 D. I=8.

Cau 38: Cho ham & f(x) c6 dao ham tréndoan [-12].f(-0)=-2 va f(2)=1.

| = J%(x2—3x— f '(x))dx.

-1

3

A T=-2, B.I=—2. C.I=1. D.1=3.
2 2
Cau 39: Trong cac klingdinh dréi day, khing dinh nao sai ?
b b
A j F'(x)dx = £(b) - f(a). B. j 0dx =0.
. \
C. [edx=0. D. [ f(x)dx = F(a)= F(b).
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Cau 40: Tim ham 8 f(x) biét _[f(x)dx:sin X+ cos&-€ +C
A. f(x)=2cos2x—2sin2x—e¢". B. f(x)=2cos2x—2sin2x—e" +C.

C. f(x)= —%cost +%sin2x—ex. D. f(x)=2sin2x—-2cos2x—e¢".

b b b
Cau 41:Biét j f (x)dx =10 va j (3 (x)-5g (x)) dx = 5. Tinh jg(x)dx.

b b b b
A. jf(x)dx: 0. B. jf(x)dx: 5. C. jf(x)dx:—s. D. J'f(x)dx=15.
Cau 42:Tim ham 8 f(x) biét [ f(x)dx = In(x*+x?+1)+C.
4x° +2x xtHxt+1
A == "= LC. B. == -~
Jx) xt+xt+1 f) 4x° +2x
3
C. flx)=e" ", D. f(x)= X 2%
xt+xt+1

Cau 43:Biét

O 0 | Yy

cosxsin” xdx =% (a,b0Z). Tinh S =2a+3a-1.

A. S=8. B. §=4. C. =12 D. $=10.

Cau 44:ChonON, tinh | = |(1-cosx)" sin o

Ot Y

A_|:i_ B. I = ! . C_|:i_ D.|:1_
n-1 2n+1 n+1 n
Cau 45: Ki hiéu (H) 1a hinh pling gi6i han bai d6 thi ham $ y =Inx, truc hoanh va caduong thing
x =1,x =e. Tinh tté tichV caa khi tron xoay thuduoc khi quay hinhHKl) xung quanh trc Ox.

A V=(e+2)m B.V=(4+2¢)7 C.V=(e-1)m D.V=(e-2)m

6 4 6
Cau 46: Biét j f (x)dx = 10 vaj f (x)dx= 7. Tinh j f (x)dx.
0 0 4

e 6 6 e 10
A. J;f(x)dx:S. B. {f(x)dx:—s. C. {f(x)dx:l?. D. j;f(x)dx:7.
Cau 47:Cho f(x), g(x) la hai ham &lién tuc trén K va k # 0. Khang dinh nao saday la sai ?
A [k (odx =k [ f (o B. [f(x)%(x) Jx = [ f(rxdx [ gla)dx.
C. [[£(0).80x) Jax = [ Fxr)dx. [ g(xdx. D. [ f'(x)dx = f(x)+C.
Cau 48:Bidt I% =2 (a,pDZ). Tinh P=ab.
A.P:%. B. P=6. C.P:% D. P=12.
Cau 49:Tim ham 8 f(x) biét F(x)=cos® x |& mjt nguyén hamia f(x).
A. f(x)=-3sinxcos’ x. B. f(x)=3cos’ x.
C. f(x)=-3sinxcos’x+C. D. f(x)=-3sin’ x.

Cau 50: Tim nguyén han¥(x) cia ham 8 f(x)=-cosx, biét F(2017m) =1.
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A. F(x)=-sinx +C. B. F(x)=-sinx +1.
C. F(x)=sinx +1. D. F(x)=-sinx +2017.
1
Cau 51:Biét Z;dx =aln2+bIn3. Tinh M =a’ -b’.
s X —5x+6
A. M =6. B.M=3. C.M=1. D. M =-2.
Céau 52: Dién tich hinh phng (ptan gach chéo) trong hinh la?

f f (X)dx. B. SZ]? f (X)dx +J3‘ f (x)ax. Ay
[rogocef tood 0. 5= 1000k f oo //No Lt

h

A. S=

C. S=

-2

Cau 53: Khangdinh nao adi day la sai ?
A. _[sinxdxz cox+C B. J'e"xdx:%ekx +C.kk # 0)

C. J-Sin(ax+b)05(=—§ coz{ax+b)+C 4%z 0 D. J-tanxdx:—ln‘cosx‘+C.

Cau 54: Ki hiéu Sla dién tich hinh thang cong @jihan boi d6 thi ham $ lién tac y = f(x), truc hoanh
va haiduong thing x = a,x = b. Nhu hinh \& bén, kling dinh nao ai day la sai ?

¥ AN

A. Szf(—f(x))dx. B. S=jf(x)dx. o

C. Szﬂf(x)\dx. D. S=

T f(x)dx‘.

Cau 55: Tinh din tich hinh plng givi han boi cacduong y :zx—ll,y =0,x=0 vax=-1.
Y-

A. §=2+3In2. B. §=2-1n4. C. §=3+In4. D.S=2-In2.
In2

2
cau 56:Chojf(x)dx=16. Tinh | = j e f (4e" - 3)ck.
1 0

A. | =8. B. 1 =4 C.1=32. D. | =16.
Cau 57: Tinh tré tich V caa khi tron xoay 8o thanh khi quay quanhutr Ox hinh pHing gisi han boi cac

duong thing y =+V'tanx,y =0,x =0 va x :%T.

A V=r B.v=2" c.y=/n2 D. v =112
2 2 2
Cau 58: Cho hinh cong H) giéi han boi cac duong y=e¢*,y=0,x=0 va x=In4.Pudng thing
x =k (0 <k <In4)chia H) thanh hai pin c6 dén tich las, va s, nhr hinh \&. Tim k dé S, =28,.

) VoA
A. k=§ln3. B. k=In3.

C. k=2In3. D. k=3.
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Cau 59: Chof(x)la ham é c6dao hamy'(x) lién tuc tréndoan {O;g} thoa mandiéu kien £(0) :g va

O 0 | Y

F'(x)dx = 277. Tinh f(gj

T 3 T IT T\ 5mr ) 3
A. — |=—. B. — | =—. C. — |=—. D. — |=—.
L Y Y S S
Cau 60: Tinh dién tich hinh pling gioi han bsi d6 thi ham $ y =tanx, trac hoanh va caduong thing
x=0,x =7—T.
A. S:%m\/i. B. S=%In2. C.S=In2. D. S=2+In2.

Céau 61:ChoF(x) la mbt nguyén hamiea ham 8 f(x) = x +sinx thoa manF(0)=19. Tim F(x).

2

(x+DH2x+1) x+1 2x+1

A. F(x)=-cosx+x”+20. B. F(x)=—cosx+x7+10.
x’ x
C. F(x):—cosx+7+20. D. F(x)=sinx+7+20.
Cau 62: Biét j;dx:j( a ,_b jdx.Tinh P=ab.

A. P=1. B.P= C. P=-1. D. P=0.

N

Cau 63: Ki hiéu (H) 1a hinh pling giéi han boi d6 thi ham § y :2\/(,12 -x* (a b cho twéc vaa,b > 0)
a

truc hoanh va cadudng thing x = —a,x =a. Tinh tie tich V cia khoi tron xoay thudugc khi quay hinh
(H) xung quanh trc Ox.

A. V=§ab2ﬂ. B. VZ%azblT. C. VZ%able. D. V:%azbﬂ.

Cau 64: Tinh dén tich hinh phing duoc giéi han bai d6 thi ham & y =x*, truc hoanh va haduong
thang x =1,x =2, biét raing mdi don vi dai trén cac trc toadd 1a 2cm.
A. S=15cm’. B. S=17cm’. C.S =$cm2. D.S :%cmz.

Cau 65: Viét cong thirc tinh the tich V cua mjt khdi tron xoayduoc tao ra khi quay hinh thang congoi
han boi do thi ham & y = f(x), truc Ox va haiduong thaing x=a,x=b (a<b), xung quanh trc Ox.

b b b b
A. V= nj f2(x)dx.  B.V =j f 2(x)dx. C.V= nj f (X)dx. D.V :j| f ()] dx.
Cau 66:Cho ham & f(x)=-x(x~1)(x~2). Dién tich hinh pling Sgi¢i han bdi ¢ thi ham $, truc Ox
va haiduong thing x =0,x =2 |a.

A S=

jf (x)dx]. B.S= j F(x)dx.

C.S= j F(x)dx —j £(x)dx. D. S= —j Fx)dx + j F(x)dx.

Cau 67: Tim nguyén hami@ ham é f(x) =cos( X+ }
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A. [ f(x)dx=2sin( 2+ }+C B. If(x)dx:%sin(&+ )+C.

C. [ f()dx=~2sin( 2+ }+C D. jf(x)dx:—%sin(zﬁ )+C
Cau 68: Cho adR. Ham $ nao trong cac hanbssauday khong phi la mot nguyén hamia ham 6
f(x)=cosx?
xX—-a
2
xX—-a
—
Cau 69: Cho ham & f(x) lién tc trén khang (-2;3). Goi F(x)la mot nguyén ham i@ f(x)trén

+
A. F(x)=sinux. B. F(x)=2sinx2acos

+
C. F(X):Zsin(§+ajcos(§—aj. D. F(x)=2005x2acos

2
khoiang (=2;3). Tinh 7 = j(f(x) +2x)dx, biét F(-1)=1 va F(2)=4.
-1

A. I =10. B. 1=9. C.I1=12. D. I =6.
Cau 70: Tinh th tich V caa khi tron xoay 20 thanh khi quay quanhur Ox hinh phing gioi han boi cac
duong thing y =3/;,y =0,x=1vax=8.

A. V:%T. B.V:%T. c.y=27 D. v =127

9 3
Cau 71:Cho [ f(x)dx =81. Tinh I = [ f(3x)dx.
0 0

A . 1=27. B. 1=9. C. I =8l. D. I=3.
Cau 72: Tinh tké tich khbi tron xoay sinh ra khi quay quanhidrOx hinh pling gibi han bsi cacduong
X3 _ 2
y —?’y =X
A, v =127 B.v =27 c.v=247 D. v = 3807
35 35 3 35

Cau 73: Tinh tké tich khbi tron xoay sinh ra khi quay quanhidrOx hinh pling gibi han bsi cacduong
y = x? —4x+6,y =—x*-2x+6.

A V=37 B. v:g. C. v:g. D. V=47
:odx
Cau 74:Biét | ————=aln3+bIn5. Tinh S=a? + ab+3b?.
!x\/3x+1
A. S=5, B. S=7. C. S=0. D. S=09.
2 2
Cau 75:Cho I :jx—dx vat=+/x’ +2. Trong cac kingdinh drdi day, khingdinh ndo sai ?
1\lx3+2
Jio Vio Jio
A. I:Z(Jﬁ—\/?). B.I=2 [ ar C.r=24 | D. 1:3j1dz.
3 34 3, 3L
2
Cau 76: Biét sz ln£1+ljdx =aln2+bIn3+c,V6i a,b,clacac é hiuty. TinhS=a+b+c.
X
1
A.S=l. B.SZ—E. C. §=3. D.S=—l.
6 3 6
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2
Cau 77:Cho ham & f(x) codao ham trénfoan [1;2], f(1)=1va f(2)=2.Tinh I ZIf'(x)dx.
1

7

A 1=-1. B. 1= C.1=3. D. =1.
Cau 78:Cho F(x) la mot nguyén hamiea ham 8 f(x). Khangdinh nao aoi day la sai ?

A [ f(x*)dx = F(x")+C. B. [2xf(x")dx = F(x*) +C.

C. [f(x)dx =F(x)+C. D. [ f(Hdt=F(t)+C.

Cau 79:Tim tét caham $ f(x) thoa man f'(x) =/4x +1.

A f(x )— \3/(4x+1) +C B. f(x)= \3/(4x+1) +C

+1)3/4x +1
C. f(x):(4x 1)4 Bl e D. f(x)= «4/(4x+1) +C
Cau 80: Biét j\h Ydx=a.. Tinhp=209"2
tang +2
1 1
APz B. P=-_. C. P=0. D. P=-3

In2

Cau 81: Chojf(x)dx 5. Tinh| = _[ e f (4e* - ).

=2 =2 c. 1=20. =2
A 4 B. 8 ' D. 2
Cau 82: Tinh din tich S cia hinh ping gibi han boi db thi ham  y = '3’6;1 va hai toc toado.
o
A S=2-4In>. B.S=2In>. C.S=4m2-1, D.s=t+md
4 4 3 2 3

1
Cau 83: Tinh tich phan’ = [ xvx® +1dx..
0

A. 1-i B. 1:%(2«/5—1). C. 1:%(2«/5”). D. 1=2v2-1.
Cau 84:Biét I =aln2+bIn3+cln5, Voi a,b,cla cac 8 nguyén. TinhS =a+b+c.
x*+x
A. S=6. B. §=-2. C.S=2. D. $=0.
Cau 85: Tim nguyén hami@ ham 8 f(x) =v/2x-1.
A. J‘f(x)dx:%(Zx—l)\/Zx— 1+C B. If(x)dx:—%\/Zx—1+C.
C. J'f(x)dx:%\/Zx—HC. D. J'f(x)dxzé(Zx—l)\/Zx— 1+C
2
Cau 86: Biét len xdx=alna+bh. Tinh S=a+h.
A. S=2. B.S=-3. C.s=2 D. s=-3
4 4 2
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4 2
Cau 87:Cho [ f(x)dx =16. Tinh I = [ f(2x)dx.
0 0
A. T=32. B.I=4. C.1=16. D. I=8.

9 3
Cau 88:Cho [ f(x)dx =9. Tinh I = [ f(3x)dx.
0 0

A. [=3. B.1=9. C.1=27. D. I=1.
Céau 89:Cho A:Ixcosxd< vadit u = x,dv=cosx & Khangdinh nao @i day lading ?
A. A=Xxsinx+ cosx+C B. A:xsinx+_[sinxd<
. {du = dx
C. A=XsIinX+ cosx D. .
V=-SINX
Cau 90: Trong céac khingdinh dr6i day, khingdinh nao sai ?
b b b b c b
A j(f(x)+g(x))dx=jf(x)dx+jg(x)ob<. B. jf(x)dxzjf(x)d><+jf(x)ob<.
: a a ab a . (o4
C. j f (x)dx =1. D. jkf (X)dx = kj f (x)dx.

Cau 91:Goi F(x) la nguyén hami@ ham 8 f(x)= (l—x)cosx vaF (gj =1. Tim hing $ C.

A c=1-7, B.c=", C. C=0. D.C=7
2 2
7
Cau 92: Tinh tich phan = j(tanz x +tan* x)dx..
0
A. I=%T+1. B. 1:2?”. C. 1=13. D. Izg.

1
Cau 93:Cho | :J‘x\/x2 +1dx vadit t = x* +1. Khangdinh nao a6i day ladang ?

0

12 2 11 12
A. | :—.[«/fdt. B. | :J'«/fdt. C. 1 :—jﬁdt. D. | :—jtdt.
21 1 2O 21

alnazl  oNYy. Tinhs=c"+C' +C2.

Cau 94: Biét jxln(1+x2)dx =
0

A. S=24. B. S =6. C.Ss=12. D. S=4.
10 5
Cau 95: Cho ham & f (x) lién wc trén [0;10] thoa man: [ f(x)dx=8 va [ f(x)dx=~3. Tinh
0 3
10

=] (x)dx+j:f(x)dx.

A. P=11. B. P=-11. C. P=-24. D. P=5.

a7
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CHUYEN DPE 5
SO PHUC

---000---

A. KIEN THUC CAN NAM

1. S5 phirc

® Sd phac z=a+bi c6 phin thyc laa, phan ao lab (a,bDIR%,i2 =—1)

@ S6i dugcoiladonvidgovaco i?=-1.i°=—i; i*=1;...;i"=1; " =i;i"?=-1; "3 =+
® S5 phic z=x+ i duoc bicu dién bsi diém M (x;y) trén mit phing oadd Oxy.

v Tap hop nhiitng diém M biéu dién s phirc z c6 th thoa man:Duong thing; duong tron; hinh tron; elip;

v' S phirc z, =a+bi va z, =b+aicodiém biéu dién déi xiing quaduong thing y = x
@ Do dai mia vect OM 14 matun aia 9 phirc z. Ki hieu: ‘5]\7‘ =‘z‘ . Nhu vay: |7 :‘O—M‘ =+a? +b?
® SH phic lién bop cia z=a+bi ki hiéulaz vaz=a+bi=a-bi.
Luu V. v’ z vaZ d6i xitng nhau qua tic Ox
(e =N
2. Céc phép toan trén & phirc
Cho hai § phitc z, =a+bi,z, =c+di (a,b,c,d OR,i* =-1)

@ Hai $ phic bing nhauz, =z, = a+bi=c+di = {a ;

@ Phép 6ng: z, +z, =(a+bi)+(c+di) =(a+c)+(b+d)i
® Phép tir: 7, —z, =(a+bi)~(c+di)=(a-c)+(b-d)i

@ Phép nhanz, .z, —(a+bl)(c+dl) ( ) (ad +cb)i
® Phép chia:t = 1% = (a+b’)( ) 2,0
2y 2,2, ‘Zz‘ +

® Cho $ phic z =a+bi . S phirc nghichdao ciazki hiéu la z™' va z™ =12z,

@ Sb phirc d6i caaz ki hi¢u 1a 7 va 7 =—a+bi. zva 7 dbi xirng qua tac tung.

3. Méi lién hé giita z va z

Cho $ phic z=a+bi (a,b0OR,i*=-1). Tacd:z =a-bi

® z+7=(a+bi)+(a=bi)=2a @ -7 =(a+bi)-(a-bi)=2bi

® 2z =(a+bi)(a-bi)=a® +b* = RSP

4. Phrong trinh bac hai véi hé sb thuc
@ Can bic hai gia $ thuc a <0 12 i3]
@ Xét phrong trinh lc hai ax’ +bx+c=0,a,b,cO0R,a# 0. Pat A =b*-4ac
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x Néu A =0 thi phrong trinh c6 nghim kép x = —% (nghiém thuec)

-b+/A

2a

S EINI
2a

= Néu A >0 thi phrong trinh c6 hai ngkim thuc x,, =

x Néu A <0 thi phrong trinh ¢6 hai ngim phrc X ,=

B. BAl TAP TRAC NGHIEM

Cau 1: Cho $ phic z=2i - 3. Khang dinh n&o sai trong cac khg dinh droi day ?
A. Phan thyc va plan 4o aia z 1an luot 1a =3 va 2.

B. M6 dun aia z 127 =13.
C. biém biéu dién hinh hyc cia z 1a M (=3;2).
D. Sb phic lién hop cia z 1a z=2i +3.
Cau 2: D¢ s6 phic z=a+(a-1)i (ala 9 thyc) va |7 =1thi.

A. a=0haac a=1. B. a:%. C.a=1. D. a=

N w

Cau 3: Cho $ phic z thoa man k& thuc: (1 +i)z+(3 —i); =2-6i. Tinh malun aia $ phic
w=2z-iz +1.

A. [w=+5. B. |[w]=5v2. C. |w] =25. D. |w] =/13.
Cau 4: Trong mit phing ta d6 Oxy. Tap hop nhing diém biéu dién cac é phic z théa man:
|z-(3-4i)|= 2 1a:

A. Puong tron cé pliong trinh: (x—-1)° +(y+1)° = 9.

B. Buong tron cé phong trinh: (x+3)" +(y+4)” = 4.

C. Puong thing cé plrong trinh: y = 2x - 3.

D. buong tron c6 phong trinh: (x=3)° +(y +4)° = 4
Cau 5: Cho $ phic z=3-2 . Tim ptin thyc va ptin a0 cia $ phic Z. ‘ ‘

A. Phin thyc bing 3, pan ao hing 2. B. Phin thyc bing -3, phan 4o bing -2i.

C. Phan thee bing -3, phin 40 bing -2. D. Phan thyc bing 3, plin 4o bing 2i.
Cau 6: Ki hieu M la diém biéu dién s phic z va M' 1a diém biéu dién cia $ phiac z. Trong cac
khang dinh drdi day, khing dinh naodting ?

A. M,M' doi xing nhau qua tic tung.

B. M,M' d6i xing nhau quaudng thing y = —x.

C. M,M' d6i xirng nhau qua tic hoanh.

D. M,M' d6i xitng nhau quauong thing y = x.
Cau 7: Cho hai 8 phac z =a+bi,z, =a-bi,(a,b0OR,z,# 0). Khangdinh nao saday la sai ?

A. z +z,1a s thyc. B. 2 1a & thun io.
z,
C. z.z, 1a & thyc. D. z -z, la $ thuin 4o.
3
) , (1-v3) , .
Céau 8: Cho $ phic z thoa ménZ:T . Médun aia  phirc w=Z +iz
—i
52
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A. [W=8V2. B. [W=16V2, C.|w=4v2. D. [w{=2V2.

Cau 9: Phin 40 aia $ phic z thoa méng__ 1(1+E) ~z(3+i)" =8-13 la,
I_

A. 2. B. 2i. C.3. D. 3.
Cau 10: Cho $ phic z=1+ 2, & phic nghichdao $ phic z 14 $ phic:

A 2'1:3——1i. B. z'lzi——zi. C. z'1=1+ii. D. z'=1-2i.

5 5 5 5 2

Cau 11: S5 phic lién hyp cia $ phic z=(1-i)(3+ 2) la.

A. Z=5+I. B. Z=1-I. C. Z=1+iI. D. Z=5-I.
Cau 12:Cho $ phic z=a+bi (a,bDR,i2 = —1). SO phac Z2 ¢6 phin thyc 1a.

A. a-h. B. a®-b?. C. 2ab. D. a’+b”
Cau 13:Cho $ phic z=a-+bi,(a,b0R)thoa man k thac z—(1+i)z =(1- 4)”. Tinh S=loga+b.

A. S=3. B. S=4. C. S=log3+10. D. S=13.

Cau 14: Tinh Hng cac mdun cac 8 phic 1a nghém aia phrong trinh z* =2z +2z-1=0.
A. 3. B. 2. C. 4. D. 1.

Cau 15: Tim tp hop cacdiém biéu dién & phic z trén mit phing ado thoa man2 < ‘z—l+2i‘ <3.

A. Hinh tron c6 phong tr‘lnh(x—l)2 +(y+2)2 >4,

B. Tap hop nhiing diém nim phia ngoai hinh tron ban kinkrty 3 va phia trong ¢kca bién) hinh tron
ban kinh ng 2 c6 cung tam.

C. Hinh tron c6 plrong tr‘lnh(x—l)2 +(y+2)2 <9.

D. Tap hyp nhirngdiém nim phia trong hinh tron ban kinkirly 3 va phia ngoai éca bién) hinh tron
ban kinh ng 2 c6 cung tam.

Cau 16: Phrong trinh z* +az® + bz+c¢=0nhan z=1+; va z=2 lam nghém. Bo ba I¢ s (a,b,c) EX
A. (6:-4:6). B. (4:6:-4). C. (4:-6:4). D. (~4:6;-4).

Cau 17:Tim & phic z, biét | =2 vazla  thuan ao.
A. z=+4i. B. z=1-i. C.z=%2. D. z=2+i.

Cau 18: Phan thyc va phin 40 cia $ phic z= (\/§+i)8 la.
A. Phan thuyc 12 128va phin 4o 12 128/ 3 B. Phan thuc 12 128va pHin 4o 12128/ 3.

C. Phin thyc 1a —128va pHin a0 1a -128V3 D. Phin thyc 1a —128va pHin 40 12128/ 3.
Cau 19:S6 z+7 la:

A. S5 thyc. B. S6 40. C.0. D. 2.
Cau 20:Cho $ phic z=a+bi,(a,b0OR) thoa manz+(2-i)z=(5+3)z+1 Tinh P=ab.

A. P=l. B. P=1. C. P=-36. D. P=—i.

6 36

Cau 21:Cho $ phic z=a+bi (a,bD}R,i2 = —1). SO phic 72 ¢6 phin ao la.

A. ab. B. abi. C. 2abi. D. 2ab.
Cau 22: Biét raing nghich dao aia $ phic z bing $ phic lién hyp cia nd, trong cacét luan sau, Kt luan
nao ladung ?

A.|74=-1. B.zla mit s thuanao. C. |7 =1. D. zOR.
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Cau 23:Cho z=2+3 la mot s phic . Hay tim not pheong trinh lc hai Wi hé 5 thuc nhin z va z
lam nghém.
A. Z2-4z+13= 0. B. z2-4z-13= 0, C. Z2+4z+13= 0. D. Z2+4z-13= 0.

Cau 24:Cho $ phic z=a+hi,(a,b0R) thoa man(2-3)z+(4+i)z=—-(1+ 3)°. Tinh S=a? +b?

A. S=25. B. S=21. C. S=209. D. S=3.
Cau 25: Cho $ phic z=(1+i)" véi nONva thba manlog, (n-3)+log,(n+ 9= & Tim phin thuc
cua $ phicz ‘ ‘ ‘

A. Phan thyc la -8. B. Phan thuc la 7. C. Phan thuc la 8. D. Phan thyc la O.
Cau 26:Cho $ phic z théa mandiéu kien z+(2+i)z =3+ 5. Phin thyc va ptan ao cia z 1.

A. Phan thec 1a —2va pHin ao la -3. B. Phan thyc 1a 2va ptinao la 3i. 2;-3

C. Phan thuc la 2va ptin 4o 1a -3. D. Phin thyc 1a 3va pHin ao 1a —2.

Cau 27: Tap hpp cacdiém trong nit phing phic bicu dién cac 6 phic z théa man|z+2i| =1 la duong
tron co plrong trinh nao saday ?

A (x+2)°+y*=1.  B.xX*+(y+2)’ =1 C. X¥*+y*+4x-3=0. D. X¥*+y*+4y-3=0.
Cau 28:Khi sb phic z thaydoi tly y thi &ip hop cac 8 2z+ 2z |a:

A. Tap hop tit ci cac § thuc. ,

B. Tap hop tat ca cac & phirc khong phi la  ao.

C. Tap hop cac 8 thuc duong.

D. Tap hop cac ¢ thuc khong am.
Cau 29: SH nao trong cacissau la 8 thuc ?

A. (\/§+Z)—(\/§— 2). B. (2+i\/§)+(2—i\/_5).
=)\ J2 +i
C. (1+iV3) . D. .
(i3] J2-i
Cau 30: Tim $ phic lién hyp caa $ phic z=i(3i+1).
A. Z=-3+I. B. Z=-3-I. C. Z=3+i. D. Z=3-1i.
Cau 31:Ki hiéu i ladon vi a0. Trong cac kingdinh sauiay, khing dinh nao sai ?
A l-2()()3 - _l- B l'2()17 - l-27 C i2036 :1 D l-—2()18 - _1
Cau 32: Cho $ phic z théa man k& thac (1+i)z+(3-i)Z = 2- 6. Modun dia $ phic z1a.
A. V15 B. V13 C. V17 D. 5

Cau 33: Cho $ phic z théa maniz=5-2. Hoi diém biéu dién cia Z 1a diém nao trong cadiém
M,N,P,Q & hinh bén ?

g Y As
A.biém Q. e B M
B. biém M. | E
C. Diém N. — o %
D.biém P. | !
IDI ________ —_5_____'Q
Cau 34:Ki hiéu i ladon vi a0. Pang thic nao trong cadiang thrc dusi day lading ?
A i2006 - _i B i1997 - _l C i2005 - 1 D i2345 - |
54

Chuyéndé 5. S Phirc



GV. Lu S Phap Tai Liéu On Thi THPTQG

Cau 35: Tinh mdtun dia $ phic z théa manz(2-i)+13 = 1.

A [4=34. 5. 4= 23 c.[4=3 D. |4=+34.
2 —

Cau 36:Néu |7 =1 thi Z2:

A. La & thuan 4o. B. Bing 0.

C. Lay moi gié tri phac. D. Lay moi gia tn thuc.
Cau 37: Cho $ phuc zthéa mandiéu kién 2z—i Z = 2+ 5. Phan thee va phin ao cia z 1a.

A. Ph{in thuc 12 3va ph*}n 40 la 4i. B. Ph%m thuc 12 4va prﬁn 4014 3.

C. Phan thyc la 4va ptin ao la 3i. D. Phan thyc la 3va phin 4o 1a 4.
Cau 38:Cho $ phrc z=a+bi #0. S5 phic z™* ¢c6 phin 4o la.

-b b -a a
L— B.——. C.——. D.——.
a’+b’ a’+b’ a’+b’ a’+b’

. C e . . . o z-2z+1 .

Cau 39: Cho $ phic z thoa mandiéu kién (1+i)(z~i)+2z= 2. Médun dia $ phic w=——F— la.
z

A. J10. B. 2J/5. C. 2V/10. D. 10V2.
Cau 40: Tim phrong trinh tc hai bét ring phrong trinhdd c6 hai nghim z, = 2+iv/2,z, = 2-iv/ 2.

A. 7Z2-4z-6=0. B. 22-4z+6=0. C. 2°+4z-6=0. D. Z2+4z+6=0.
Cau 41:Ki hi¢u i ladon vi 0. Tinh S =i+i* +i° +...+i” +i'"

A S=1. B. §=100. C.S=i D. §=0.
Cau 42:Cho $ phic z thoéa mandiéu kién (3+2)z+(2-i)" = 4+i . Phin thyc va pfan 40 cia  phac
w=(1+2)Z la.

A. Phin thyc 1a 3va ptin 4o la -i. B. Phan thyc 1a 2va phin 4o 14 5.

C. Phan thyc la —1va ptan ao la 3. D. Phan thyc la 3va phan ao la —1.
Cau 43:Phainao cia z=-2i la:

A. 0. B. —2. C. -2. D. -1.

Cau 44:Goi z va z, la cac nghdm aia phrong trinh 2 - 4z+ 9= 0. Goi M, N la cacdiém biéu dién caa
z,vaz, trén mit phang phrc. Khi d6 do dai aia MN la:

A. MN =4. B. MN =-21/5. C. MN =25, D. MN =5.
Cau 45: Mddun aia w=-2iz bang:
A. W =v2|7. B. W =-27. C. w=2[7. D. [wj=2.

Cau 46: Khangdinh nao aéi day la sai ?
A. Diém M (2;-3) ladiém bicu dién & phic z=2-3i.
B. S6 0 khéng phi la s5 phuc.
C. sb phirc z=3++/2i c6 phin thuc 1a 3 va phn ao 1a V2.
D. S5 phirc z=-3+/5i 1a  thuén o.
CAu 47:Cho $ phic z =a+bi. Tim tip hop cacdiém bicu dién cia $ phic w théa man|w —z|=1.

A. Puong tron (x—a)2 +(y —b)2 =1. B. Puong thing y = b.

C.Puong thing x+y-a-b-1=0. D. Puong thing x =a.
Cau 48: biém M trong hinh & bén ladiém biéu dién caa $ phac z. Tim pHin thec va plin 40 cdia $
phac z.
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A. Phan thyc 14 -4 va phin 4o 1a 3.

YA
B. Phan thec & 3 va phn ao 1a —4. s
(o) X
C.Phan thyc la 3 va phn ao la —4i. I
D.Phan thre 1a -4 va phin ao 1a 3. i
-4 ___________'IM
, —\2
Cau 49: S6 phirc z thoa méanz+3z :(1— 2) la.
A. z:2+§i. B. z:—§—2i. C. z=2—§i. D. z=—§+2i.
4 4 4 4

Cau 50: Trén mit phing ta do Oxy, tap hop diém biéu dién cac & phac z thoa mandiéu kien
|2 —(2+i)| = 2 1a mjt duong tron co phong trinh.

A. (x—1)2+(y+2)2:4. B. (x+1)2+(y—2)2:4.
C. (x—1)2+(y—2)2:4. D. (X+l)2+(y+22:4
Cau 51:Cho $ phic z=a+bi,(a,b0R) thoa man(2z-1)(1+i)+(z+J)(1-i)= 2= 2. TinhS=a-b.
A. S=1. B. S=0. C.s=2, D.s=1.
3 3

Cau 52: Tim tp hop cacdiém biéu dién & phirc z trén mit phing adé thoa mén‘2+z‘ <‘2—z‘.
A. Nura tréi ia mit phing ado ké ca truc Oy.
B. Nira dréi cia mit phing toadd khéng K truc Ox.
C. Nua trén @ga mat phang tpadg khong K truc Ox.
D. Ntra trai @ia mat phang toado khéng K truc Oy.

Cau 53:Cho hai 6 phic z =+/3-2i,z, =1++/3i. Tim & phic lién p cla z = z,z, - 7,.2,.

A. 7=1+10.. B. 7=-10i. C.7=1-10i. D. 7 =10..
Cau 54:Diém biéu dién & phic z thoa manz +(2-i)z=(5+3)z+ 1c6 badd la.
A. (EEJ B. (-11). C. (—llj D. (E_Ej
32 6 6 6 6

Cau 55: Cho $ phic z théa man
modun aia z?

A |z|:\/§ B. | =§. c. |4 =§. D. =3,

Cau 56: Goi z va zla hai nghém phic dia phrong trinh z2 +2z+10= 0. Tinh gia ti cia biéu thic

z+(2 —1)2‘ =10 va c6 pln thyc king 2 &n phin 40 cia n6. Tim

o2 2
S=lz| +|z["

A. S=10. B. S=50. C. S=30. D. S=20.
Cau 57:Tap nghém aia phrong trinh (2> +9)(z*—z+1)=0 la.

A. {+3-l_ﬁ} {+3i-1+ﬁ} C {+3-l+ﬁ} D {3E+ﬁ}
+3; . B'_,2_2. Bt 3 =* .

2 2 2 2
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Cau 58: SH nao trong cacdssau 1a 8 thuin ao ?

2+3
A B. (v2+3)+(v2-3).
C. (V2+a)(V2-3). D. (2+2)’.
Cau 59: Cho $ phic z théa mandiéu kien (1+i)(z-i)+2z=2. Modun dia $ phic w:izZ+1
z
bang.
A. 10. B. 24/5. C. V13. D. J/10.
Cau 60: Cho $ phic z=a+bi #0. S5 phrc z* c6 phin thuc la.
-b -a b a
L — B.——. L— D.———.
a’+b? a’+b? c a’+b? a’ +b?

Cau 61: Ki higu z,z,z,vd z,1a bon nghém phic aia phrong trinh z*-z*-12=0. Tinh

N S S
T=z*z*+z +z,.

A. T =20. B. T =100. C. T =50. D. T =150.
Cau 62: Phrong trinh z> + bz +¢ =0 ¢6 mdt nghiém phic z=1+2i. Tim S=b+c.
A. §S=-5. B. S=2. C.S=3. D. §=-3.

Cau 63:Cho phrong trinhz> =2z+13=0 (1). Goi z,,z, & hai nghém phirc cia phrong trinh (1) .

Tinh gi4 ti cia biéu thic H =1 +2 377 +4.

ZZ Z1
A.H=—zz B.HZ—ZZ C.H:_iﬁu D.H=—i1
13 13 13 13

Cau 64: Cho $ phic z thoa man K thuc (i +3)z+§—(1+i)_z: 4- 9. M6dun aia $ phic w= z+i
i

la.
1 \J5 5
Cau 65: Biét rang nglich dao aia $ phic z 1a  phac lién hop cia no, Kt luan nao sautay lading ?
A.zla mot s6 thuan do. B. |7 =1. C.|4=-1. D. zOR.

Cau 66: C6 #t ci bao nhiéu & phic z théa man phong trinh 2% =|Z° + 27

A. 2. B. 1. C.3. D. 4.
Cau 67:Véi gia tri ndo ¢a x,y thi (x+y)+(2x-y)i=3-6.
A x=-1Ly=4. B. x=-1y=-4. C. x=4;y=1. D. x=4;y=-1.

Cau 68: Trong mit phing fa do Oxy. Tap hop nhing diém biéu dién cac é phic z thoéa maén:
|z—i|=‘(1+i)z‘ la.

A. buong thing c6 plrong trinh: x+y-1=0

B. Buong tron cé plrong trinh: (x+1)2 +y?=2

C. buong tron c6 phong trinh: x2 +(y+1)° = 2.

D. Hai duong thang c6 plrong trinh x =1,x=-2
Cau 69:Ki hiéu R 1a & thuc va C 1a $ phic. Khingdinh ndo d¢i day 1a sai ?

A. 7 =20:0C. B. z=5-+/3i khdng pli Ia & thuc.
C. z=-11 khong phi la s phic. D.ROC.
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Cau 70: Cho $ phic zthoa (2—-3)z+ (4+i)z+ (I+ 3 § = Cvaa, b 1an luot 1a phin thrc va plin 4o cia
z . Gia ti cia 2a+ 3 1a.

A. 8. B. 9. C.10. D. 11.

N e, 10
Céau 71:Phrong trinhax” +bx“-5=0 nhan x=1 va X—Tla nghém. Tich @ia a.b bang.

A. 5. B. 3. C. 2. D. 6.
Cau 72:Ki hiéu i ladon vi a0. Trong cac kingdinh dréi day, khing dinh nao sai ?

A i+ +i0 +. +i7 =1, B. 1+i+i" +i° +...+i" =1.

C.i+i+i+..+7 =0. D.i+i®+i* +..+7 =—i.
Cau 73:Ki hiéu i ladon vi a0. Trong cac kingdinh drdi day, khing dinh naoding ?

A. (1+i)" =-32i. B. (1+i)" =32. C. (1+i)" =32i. D. (1+i)" =-32.
Cau 74: Tap hop céc nghim phic cia phrong trinh 22 +|7” =0 1a:

A. {i;0}. B.{0}.

C. Tap hop moi s thuan ao. D. {-i;0}.
Cau 75:S6 z-7 la:

A 2. B. S5 ao0. C. S6 thyc. D. 0.

e A o 10 o
Cau 76: Xét $ phic zthéa man(1+ 2)|z =—— - 2+i. Ménhdé nao dréi dayding ?

z
A S<lg<2. B.|4<2. c. teg<3, D.|Z>2.
2 2 2 2

Cau 77:Ki hiéu i ladon vi a0. Pang thic nao trong cadang thrc dugi day lading ?

A. (1+i)’ =16. B. (1+i)°=16. C. (1+i)’=-14. D. (1+i)’ =-16.

A o A Lis o 2(1+ 2) . o _
Cau 78:Cho 9 phic z théa mandiéu kién (2+|)z+T =7+ 8. Moddun aia $ phic W= z+1+i

i

la.

A. 25. B. v/15. C. /5. D. 5.

Cau 79:Cho $ phic z=2-3 . Tim ptin thec va ptin a0 cia $ phic 2°. ‘ ‘
A. Phan thuc hang —46 va Pfan ao hang -9 B. Phan thuc bang 46 va Phin ao bang —-9i.

C. Phan thic bing 46 va Phin 4o bing 9 D. Phan thyc bing —46 va Phan 40 bing —9i
Cau 80: Tim s diém bicu dién cac § phic z la nghém cia phrong trinh z° + 22 +z -3 = 0.
A. 3. B. 4. C. 2. D. 1.
Cau 81: Phrong trinh z2+2z+10= 0 c6 hai nghim phic z va z,. Tinh gid ti cia béu thic
3 3
A=z +|z["
A. 10J10. B. 20. C. 20V/10. D. 2J/10.
Cau 82:Cho $ phic z thoa man(1-i)z~1+5i=0. Tim phin thyc, phindo cia w =1+2" +Z.
A. Phin thyc 122 va ptinao 1a 3. B. Phan thyc |a% va phin 4o la —%.
C. Phan thyc 1a 9 va phn 4o & -10. D. Phin thyc 1a -3 va phin 4o 13 4.
Cau 83:Cho $ phuc z thoa man & thic (2-3)z+(4+i)z=-(1+ 3)°. Mddun aia $ phic z la.
A. |7=+29. B. |4 =/26. C. |4=29. D. |74 =26.
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Cau 84: Goi z la nghém phic c6 plin a0 &m @a phrong trinh 22 + 2z+ 3= 0. Toa do diém M biéu
dién & phacz, 1a.

A. M(-L-2). B. M (-1-V2). C. M(-1-2). D. M(-L2).
Cau 85: Cho $ phic z thoa mén(l—Z')z—iT_ii:(S—i)z. Toa d6 diém M biéu dién aia $ phac z
trong mit phing tado Oxy la.
1 7 2.3 . .
M(—,—j. B. M(—,—j. C. M(2:3). D. M (L7).
10 10 10 10
Cau 86: Tap nghém cia phrong trinh z* -2z - 8= 0Ola.
A {+2i; £ 3. B.{+V2; +2}. C.{*2; +4}. D. {£2; + 4} .

Cau 87: Cho $ phuc z thoa mén‘(l—i)z—4+2i‘ =2. Tap hop cacdiém biéu dién cac § phac z trén
mit phing thado 1a mot duong tron. Tim tam va ban kiniR cua duong trondé.

A. Tam 1(1;3) va ban kinhR :\/5. B. Tam 1(3;1) va ban kinhR =2.

C.Tam 1(3;—1) va ban kinhR :\/5. D. Tam 1(3;1) va ban kinhR :\/5.

. oo B(ZHE) 2
Cau 88:Cho 9 phic z théa mandiéu kién 1 =2-i.Tim $ phaic w=1+z+2z".

V4

A.w=3-2. B. w=2+3. C. w=3+12. D. w=2-3.
Cau 89: Phin thyc cia z=2i la:

A 1. B. 2. C. 2. D.O.

Cau 90: V¢i nhitng gia ti thyc ndo @a x va y thi cac 6 phic z, =9y* —4-10xi’ va z, =8y’ +20i"" 1a
lién hop aia nhau ?

A (-2:2) va(-2-2). B.(-2-2). C. (-2:2). D. (2:2) va(-2:-2).
Cau 91:Médun aia z=1-2 bang:
A |74=2. B. |4=+/5. C.|7=3. D. |7=+3.

Cau 92: Cho $ phic z thoa man(1+i)z=3-i. Hoi diém biéu dién cia z ladiém nao trong cadiém
M,N,P,Q ¢ hinh bén ?

A. Diém N.
Y A
B. Diém P. N M
I .
| |
C.biémM. ! :
|
— ! 5%
D.Piém Q. l |
plo—-dg

Cau 93: Tap hop diém biéu dién & phic |z—2i| = 3la dwong tron taml. Tim #t ca gia ti thuc ciam sao

cho khaing cachw | dén d:3x+4y—-m= 0 bang %

A. . m=-7m=9, B.m=7,m=09. C. m=8m=09. D. m=8,m=-8.
Cau 94:Goi Z;, Z, la hai nghém phirc dia phrong trinh 2 —=4z+29= 0. TinhS= |zl|4 +|zz|4.
A. S=27. B. S=218. C. S=1682 D. S=09.
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n ea s ., e LA . ix—=3y=i+1
Cau 95:Ki hiéu i ladon vi ao. Giai hé phuong trinh S
2x—iy=i—2
A. (3-4i:2+5i). B.[2-2:2-2i| (3+4i:2-5i). D. | 1+2i2+24 ]
7 7°7 17 5 5

Cau 96: Trong céc kt luan sau, Kt luan nao 1a sai ?
A. Mbdun aia $ phic z [a mot sb thue.
B. MAdun aia $ phirc z 1a mpt sb phic.
C. Mddun aia $ phic z 1a mot b thuc dwong.
D. Mddun aia $ phac z 1a mbt b thuc khdng am.

Cau 97:Cho $ phrc z=a+bi, (a,b0R) thoa manz= —*/_] Tinh P=ab

A. 2 B.4 C. 5i D.8
Cau 98: Cho $ phic z thoa mén(1—2i)z—%=(3—i)z. Tim fpadd diém biéu dién cia w =z trong
mat phiang tbado Oxy.

M(_%);l_loj' B. M(%l—loj C. M(—%;llo]. D. M(—llo;—l—lo)

Cau 99:Piém biéu dién & phic z théa man(3+2)z=5-14 c6 bado la.

A. (-14). B. (-1-4). C. (L-4). D. (-4;-1).
Cau 100:Cho a,b0R, biéu thirc 4a? + 9b? phan tich thanh tha & phic la.

A. (2ai + D) (20 - D) B. (2a+30i)(2a- i) .

C. (4a+%i)(4a- Di) D. (4a+9)(4a-9)

Cau 101:Cho $ phic z théa man plong trinh (1-i) z+(2+i)z = 4+i. Khangdinh nao saday la sai ?
A. zZ=1. B. |4=5. C. z=2-i. D. Z=2+i.
Cau 102: Tim t@p hop céc diém trén mit phing ta d6 biéu dién cac & phac z théa man
2|c-1-2i|=]3i+1-2z].
A. Puong thing 2x +14y -5 =0. B. Puong thing 3x +4y +5 =0.
C. buong tr(‘)n(x+2)2 +(y+1)2 =1. D. buong tr(‘)n(x—l)2 +(y+1)2 =1.
Cau 103:Véi moi s phic z, ta c6|z+1" bing
A. 7" +2|7+1. B. Z+1. C. Z+z+Z+1. D. z+Z+1.
Cau 104:Cho $ phic z thoa ménz—‘z‘ =-1+3i. Tim maiun aia $ phic w = z(l—i).
A. [w]=10. B. |[w]=5v2. C. |w] =43, D. [w] =2+5.
Cau 105:Goi M la diém bicu dién cia $ phirc z=2+3 vaN ladiém bicu dién cua & phic 2/ =3+ 2.
Tim ménh de dang trong cac @nh dé dudéi. ’
A. Haidiem M vaN doi xirng Wi nhau qua gc toa do O.
B. Haidiém M vaN do6i xing Wi nhau qua trc tung.

C. Hai diém M vaN doi xing wi nhau qua trc hoanh.
D. Hai diém M vaN doi xirng Wi nhau quaiuong thang y = x.

Cau 106:Cho $ phic z=a+hi,(a,b0OR) théa man(1+i)z+2z=3+ 2. TinhP=a+h,
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A. P=1. B. P:%. C.P=—. D. P=-1.

Cau 107:Goi M la diém trong nit phing béu dién s phac z (M,ZO). Xét diém N biéu dién s phac
iz. Trong cac kngdinh dréi day, khing dinh naoding ?
A. Tam gidcOMN la tam giac vuéng canit0. B.Badiém M,0,N thing hang.

C. Tam gidcOMN la tam giac camnt O. D. Tam giacOMN |a tam giaaiéu.
Cau 108:S0 phic z=(1+2)(1-i) c6 matun Ia.
A l4=2 B. [4=50, c.l4=22 D. |4=5v2.

Cau 109:S6 phac z=2-3 co diém biéu dién 1a A va $ phic Z cé diém biéu dién 1aB. Tim khing
dinh ding trong cac king dinh sau.

A. Hai diém A vaB dbi xang wi nhau quatuong thing y = x.

B. Hai diém A vaB déi xtirng Wi nhau qua §c taa do O.

C. Hai diém A vaB ddi xang Wi nhau qua trc tung.

D. Hai diém A vaB déi xang Wi nhau qua trc hoanh.
Cau 110:Hai $ phirc z va zla hai nghém cia mdt pheong trinh ke hai i hé sb thuc nao di6i day ?

A. x> +2bx+a’ -b* =0. B. x> =2bx+a*+b* =0.

C. x*+2ax+a’ +b* =0. D. x* —2ax+a’ +b*> =0.
Cau 111:Cho hai 6 phircc z, =2 -i,z, =1+i. Tim matun aia $ phic w =7z, +7,.2,.

A. |w|=2. B. |w|=10. C. |w] =+10. D. [w] =2.

: e « thoa mandiy kien S Lot Modun aia 6 o -
Céau 112:Cho 9 phac z théa mandieu kien 1 =2-i.Mobdun aia $ phic w=1+2z+2" la.

z
A. J10. B. 13. C. 10. D. V13.

Cau 113:Goi M ladiém bicu dién cia $ phic z=2+5 vaN ladiém bicu dién aia $ phic Z' =-2+5 .
Tim ménhdeé ding trong cac gnhde dusi day.
A. Haidiém M vaN doi xang wi nhau qua trc tung.
B. Haidiem M vaN doi xing wi nhau qua gc toa do O.
C. Haidiém M vaN doi xang wi nhau quaiuong thing y = x.
D. Hai diém M vaN déi xing wi nhau qua trc hoanh.
Cau 114:Tim 9 diém biéu dién cho $ phic z théa manz* -1=0.
A 1. B. 2. C. 3. D. 4.
Cau 115: Tim t@p hop céc diém trén mit phing ta d6 biéu dién cac & phac z thoa man

[o(i+1)-(1+4) =+2.

A. Puong tr(‘)n(x—l)2+y2 =1. B. buong thing y =2 - x.
C.Piém M(I;O). D. buong tr(‘)nx2+(y—1)2 =1.
Cau 116:Tim $ phic z va tinh m@un aia z, biét (3+i)zZ+(1+i)(2-i)=5-i.
A. z:g+ﬂ'i,z|:2_\/%_ B. Z:g+ﬂi,2|:£5.
5 5 5 5 5 5
C. Z=Z+ili,|2|:2—\/_3. D. Z=Z—ili,|2|:2—\/_5.
3 3 3 5 5 5
Cau 117:Cho $ phic z=2+5. Tim & phic w=iz+7Z.
A. w=-3-3. B.w=7-3. C. w=3+7. D. w=-7-T.
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Cau 118:Cho $ phic z théa man|z| +z =3+4i. Tim ptin thec va ptin o cia z.

A. Phin thuc Ié% va phin 4o 13 4. B. Phan thec 1& =7 va phin 4o 14 6.
C. Phan thyc la —% va phin 4o 1a 4. D. Phin thyc 1a -1 va ptin ao la 3.
Cau 119:SH nao trong cacssaoday la $ thuin ao ?
A. (2016+i)+( 2017i) B. 2017?
C. (V2+2)-(V2-i) D. (3-i)-(2-i)
Cau 120:Cho $ phac z théa mandiéu kién 2z+3(1-i)Z = 1- 9. Mddun aia $ phic z la.
A. 5. B. V13. C.13. D. 3V2.
Cau 121:Cho $ phic z =1+ 2i,z, = 3+i . Médun dia $ phic z +2z, bang.
A. 21, B. +/65. C.21. D. 65.

Cau 122:Cho cAc & phic z, =3 +4i,z, ==2+3i. Tim ba do (x;y) caa diém biéu dién & phac z ma
2z, +3z=z,.

A. z;—2 . B. —z;z . C. —z;2 . D. g;—z .
3 3 33 33 33

Cau 123: Cho hai 6 phic z,z, dwoc biéu dién trén nit phing foa do Oxy lan luot boi hai diém
A(2;-1) ,B(3;4. Tim matun dia $ phic 2z - z,z,.

A. |2z -2z,|=v13. B.|2z-27|=85. C.[2z-2zz,|=13. D. |2z - zz,| = 85.
Cau 124:C6 bao nhiéudsphic z thoa mén‘z+6‘ =5 va phin a0 cilaz bang 4.

A. 1. B. 2. C. 3. D. 4.
Cau 125:S5 phac lién hop cia $ phic z=(1+i)’ -3(1+ 2)” 1a.

A. Z=10+9. B.z=9+10. C.z=10-49. D.z=9-10.
Cau 126:Cho $ phic zthéa man(1-i) z—1+ 5 = 0. Phin thyc va plin 4o cia z la.

A. Phin thyc 1a 3va phin ao 1a -2, B. Phan thyc 1a 3va ptin o 1a 2.

C. Phan thyc la —2va ptin ao la 3. D. Phan thyc la —2va phin ao la 3.
Cau 127:Trong miit phing Oxy, tp hop diém biéu dién cac § phic z théa |7 < 2la.

A. Hinh tron tamO ban kinh Bng /2. B. Hinh tron tamO ban kinh Bng 2.

C. Buong tron tamO ban kinh Bng J2. D. Puong tron tamO ban kinh Bng 2.
Cau 128:Biét z va z,1a hai nghtm cia phrong trinh 72 +/3z+3= 0. Tinh T = Z* + Z..

A T=-9. B. T=-6V3. c.T:1—96. D.T=-7.
Cau 129:Véi moi s§ 40 z, & 22 +|[" la:

A. Sb ao khac 0. B. S6 thuc am. C. S thuc duong. D. S6 0.
Cau 130:S6 i bang:

1+i
A. 1+i. B.l(l—i). C.1-i. D. i.
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Cau 131:Cho $ phic z théa mandiéu kien (3z-2z)(1+i)-5z= 8 - 1. Mdédun aia $ phic z la.

A. V13, B. /5. C. 4. D. 2J/3.
Cau 132:Trén fip hop s phirc, phrong trinh 2 +|7 =12 c6 bao nhiéu ngain ?
A. 1. B. 2. C.4. D. 3.

Cau 133:Tim tip hop nhing diém biéu dién s phirc = thoa|z—3-4i =‘£+2—3i‘ la.

A. Puong thing ¢6 plrong trinh: 5x +7y -6 = 0.

B. Mot paraboly = —x°.

C. Buong tron cé phong trinh: x* +y* =1.

D. biém M (2:3).
Cau 134: Cho phrong trinh 3z —=4z+2 =0 (1). Goi Z,,Z, la hai nghém phrc cia phrong trinh (1).
Tinh gi tf cia bitu thic T =z |+,

A T=-12. B. T:E. C. T:E, D. T:i.
4 3 3
Cau 135:Cho $ phic z=a+hi,(a,b0R) thoa mandidu kién (1+2)° z+Z =4 - 2C. Tinh S=a+b.
A. S=1. B. S=5. C. S=7. D. S=-1.
Cau 136:S5 phic z thaydoi sao cholzl =1. Gia ti bé nlat mva gia ti 16n nhit M cua |z-i] la:
A. m=1M =2, B. m=0;M =+/2. C. m=0;M =1. D. m=0;M = 2.
Cau 137:Cho $ phrc z=5-3. S5 phic lién hyp caa z cddiém biéu dién Ia.
A. (5-3). B. (5:3). C. (35). D. (3;-5).

Cau 138:Ki hiéu z, la nghém phic cé phn ao deong aia phrong trinh 42> —16z+ 17= (. Trén mit
phang badd, diém nao drdi day ladiém biéu dién caa $ phic w=iz,?

an(b) molfa)l  cwf-lz oe(-k)

Cau 139:Tim $ phuc z, biét 2—5+|\/§—1: 0.
z
A. z=-1-i/3 hoic z=2+i+/3. B. z=1+i/3 hoic z=2+i+/3.
C. z=1-i/3 haac z=2-i/3. D. z=-1-i/3 haac z=2-i/3.

Cau 140: Goi A,B,C theo thr tu 1a cacdiém biéu dién cac 6 phic z, =2+3i,z, =3+i,z, =1+2itrén
mat phing toado. Trong tamG cia tam giadABC biéu dién s phirc z. Tim z.

A z=-2-2i B. z=2+2i. C.z=1+i. D. z=1-1i
Cau 141:Goi z,,z,,z,Va z,1a cc nghim aia phrong trinh z* +72°+10= 0. Tinh T =z,.z, +z,.2,.
A. T =410. B. T =10. C.T=-3. D.T=17.

Cau 142:Cho 7, z, la cac nglim phrc aia phrong trinh 27% - 4z+11= 0. Tinh gia tf cua biéu thic

H:M

(21+22)2'
A H=2 B.H=S. c.H=t D.H=2>
4 4 4 4
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n Cea s . e LA . x+2y=1+i

Cau 143:Ki hiéu i ladon vi ao. Giai hé phrong trinh .
3x+iy=2-3i

A. (1-i-i). B. (1-i:i). C. (-1+i-i). D. (1+i:i).

Cau 144:Cho hai 8 phic z,z, (z,#2,). Khangdinh nao @i day lading ?
_ e _14 _
A. |z +z|=|z|+|z]. B.z.z,=2.12, C. % —H (z,#20). D.|z-2z|=|z|-|z).
2

Cau 145:Phrong trinh z* + bz +¢ =0 nhan z=1+i la nghém. H¢ s caa b vac.

A. b=2,c=-2. B.b=-2,c=1. C.b=-2,c=2. D.b=-1,c=1.
Cau 146:Tim cac 6 thyc m, n théa mén: m(1- 2i)2 +n(2-4)=-12 4

A . m=-2 n=3. B. m=-3, n=2. C. m=2,n=-3. D. m=3,n=2.
Cau 147:Cho $ phic z thoa mandiéu kien (1+i)°(2-i)z=8+i+(1+ 2)z. Tim & phic lién hop aia
sb phirc z.

A.Z=3-2. B.Z=2+3. C.z=3+2. D.z=2-3.
Cau 148:Tim tit ca cac @p & thuc (x;y) thoa mandiéu kién 3x + yi = 2y+1+(2—x)i.

A (-1:-1). B. (1:1). C. (1:0) va(-1:-1).  D. (1) va(-10).
Cau 149:Khi s6 phirc z# 0 thayddi tiy y thi @ip hop céc § 72 +1 Ia:

A. Tap hop cac & phrc khac 0 va-i. B. Téap hop cac s phirc khac 1.

C. Tap hop tat ca cac $ phac ) D. Tap hop cac 6 phic I6n hon 1.

Céau 150:Ki higu z,1a nghgm phrc co phin a0 deong aia phrong trinh 2 —4z+ 6= 0.Trén mit phing
toadd, diém nao diéi day ladiém biéu dién cia $ phirc w =iz, +7,.

A M, (2:2). B. M, (2422442},

C. M, («E;ﬁ). D. Ml(z—ﬁ;z—ﬁ).
Cau 151: Ki hieu z,z,,z,z, la bon nghém cia phrong trinh z*-2z*-12=0. Tinh ©ng
T =z]+[z]+[z]+[2]

A. T=4. B. T=2/3. C.T=4+2/3. D.T=2+2/3.
Cau 152:Tim $ phic z, biét z-(2+3)z=1-9

A. z=1+i. B. z=1-i. C.z=2-i. D. z=-i.
Céau 153:Tap hop cac nghim aia phrong trinh z:Z—ii la:

A. {1-i}. B.{1-i;0 . c.{d. D.{0;3}.
Cau 154:Cho $ phrc z=a+bi (a,bDR,i2 = —1) . Trong cac kiingdinh dréi day, khingdinh nao sai ?

A. Z=a-bi. B. zz=|7’. C. z+z=2a. D. z-z=2b.

: : . Y | : .
Cau 155:Cho $ phic z théa mén & pheong trinh ‘ ‘ ‘ 1‘.Tlm maiun aia $ phic w =iz.

z—i|=|z—
A. [w=345. B. |w|=+/5. C. |w]=2v2. D. [w] =2.

Cau 156:Cho $ phic zthéa man(1-i)z=5-3 . Hoi diém biéu dién cia z ladiém nao trong cadiém
M,N,P,Q & hinh bén ?
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A.DPiém Q.

y/\
B.biém P. N 1 ————————————M
C.biém M. _4§ o §4 -
D.biém N. P I Q  x
’ , 2
Cau 157:Tim s phic z, biét Z=(v2+i) (1-v3).
A. z:3—\/§. B. z:5—\/§. C. z:3+\/ﬁ. D. z:5+x/§.
Cau 158:Trong cac phong trinh drsi day, phrong trinh nao c6 hai ngém 12 1+i~/3.
A. X2 -2x-4=0., B. x> +2x+4=0. C. X +i/3x+1=0. D. xX*-2x+4=0.
Cau 159: Tich aia $ phirc z=a—bi vdi sb phic lién hyp aia né king.
A. —Ja? +b?. B. a®-b?. C. a’+b? D. Va?+b?.
Cau 160:Gié ti cia P =[(1+5)- (1+ 3 " bing.
A. —2%017 B. —22017j, C. 2217, D. 227,
Cau 161: Tim mafun dia w =zi =27 , biét (3z-2)(1+i) -5z =8i - 1.
A. ‘w‘ =\/E. B. ‘w‘=3\/§. C. ‘w‘=\/ﬁ. D. ‘w‘ =\/B.

Cau 162: Trong mit phang phic, gi A, B, C lan luot 1a cacdiém bitu dién cia cac 6 phic
z=-1+3,2,=1+5,2,= 4i Goi D la diém biéu dién caa $ phic z,. Tim $ phic z, sao choit
giacABCD la mot hinh binh hanh la:

A z,=2-I. B. z,=5+46. C. z,=2+i. D. z,=3+4i.

Cau 163:Cho $ phic z= (\/§+3)2. Tim pHin thec va phan 4o aia $ phic z.

A. Phin thuc bing 7, Phin a0 bing 6v/2. B. Phin thuc biing 7, PHin 40 bing 6v/2.
C. Phin thuc bing =7 va Pln a0 bing 6v/2 D. Phan thuc bing 7 va PRn 40 bing 6v2i .
A~ .2 2 X X , N ~ 1_|Z 2_Z+i , A TS
Cau 164:biem bieu dien & phic z thoa mén 1riz —;co tbado la.
A. (0;1). B. (-10). C. (1. D. (0;-1).
Cau 165:Cho phrong trinh 27° +3z+5=0 (1). Goi 7,2, 1a 2 nghém aia phrong trinh (1). Tinh gia ir

biéu thic H =(z,-z,) 722,

A H=-1. B. H=-12 c.u=-9 D.H=-2.
4 4 2
Cau 166:Cho hai 6 phic z =1+iva z, =2-3. Tinh méun dia $ phic z +z,.
A. |z +7)|=+5. B. |z, +7)| =+/13. C.|z+z|=5. D. |z +2z|=1.
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CHUYEN DE 6

PHUONG PHAP TOA PO TRONG KHONG GIAN
---000---

§1. HE TOA PQ TRONG KHONG GIAN

A. KIEN THU'C CAN NAM
1. Hé truc tea d¢ trong khong gian
Cho ba tac Ox,0y,0z vubng géc ¥i nhau frng Zi

déi mot. Goi i, j,k 1a cic veat don vi tuongtng
trén cac tuc Ox,O0y,0z . Hé gdbm ba tuc nhr vay
duoc goi la hé truc toadd Dé-cac vubng go®ixyz \\:M(x;y;z)
trong khéng gian hagon gian dugc goi la hé toa 3
do Oxyz
+ Diém Oduogc goi la gdc toadd
¢ Truc Ox goi la truc hoanh
¢ Truc Oy goi la truc tung
¢ Truc Oz goi la truc cao
+ CAc mit phang (Oxy),(Oyz),(Oxz) d6i mot
vuéng goc i nhauduoc goi 1 cac it phing a
do.
chay: fi=[f=[]=1ij =ik =]k =0
2. Toa d9 cha mét diém
M(x;y;z) - OM :x.;+y.}+z.7c, (x : hoanhds; y: tungdo; z: caod))
Chuy:
* MO(Oxy) = z=0;NO(0yz) = x=0;P0(0zx) = y=0
Hay M D(Oxy) =>M (x;y;O);N D(Oyz) = N(O;y;z);P D(Ozx) = P(x;O;z)
* MUOOx = y=z=0;NUOy = x=z=0;PU0z = x=y=0
Hay M 00x = M (x;0;0),N 0Oy = N(0:y;0); P00z = P(00:z)
3. Toa dg cua vecr

a:(x;y;z) = ;:x}+y.}+z./2,(x : hoanhdo; y: tungdo; z: caodo)

\\<

—

Cha y: 0=(0;0:0).i =(1;0;0), =(0:1;0).k = (0;0:1)

4. Lién hé giira toa dd diém va toa dd vecl

Trong khdng giarOxyz , ChoA(xA;yA;zA),B(xB;yB;zB) ,C(xc;yc;zc)
¢ XE = (XB TX Y T Y40 _ZA)
+ M chiadoan thing AB theo t & k (k#1) = MA =kMB

Khi do: M[xA —kxy v mky, 2, —szj

1-k 1-k 1-k

, , + + +
* M trungdiém doan thing AB: M(XA ZxB ;yA zyB ;ZA ZZBJ
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Xptxptxc Yatyptye .ZA+ZB+ZCJ

* G la trong tdm @a tam gidcABC : G( 3 ; 3 ; 3

N " . X, tx,+x.+x +y,+y.+ 2yt vtz 12
oGlatrongtamﬁat'rdlénABCD:G(A B4C D;yA yB4yC yD;A B4C Cj

5. Céc phép toan trén veat

Trong khong giarOxyz , cho hai veat a = (al;az;a3),b (bl,bz,b ) Ta co:
* atb=(a tbha,ba,+b,)
* ka=(ka,;ka,;ka,),k OR

a =b

s a=bh o a, =b,
a3 = b3
6. Tich v6 hréng vatng dung aia tich vé hréng
Trong khong giarOxyz , cho hai veat a = (al;az;a3),b = (bl,bz,b ) Ta co:
o ab= ab, +a,b, +a,b,

-2
’a—a +a +a

a‘ =\/al +a2 +a3

aOb = ab=0 < ab +ab, +ab, =0

*

*

a, = kb,
+ aciing plrong Wi b, b#0 = a=kb = {a, =kb, = —t="2=" (5 b b %0)
kb bl bZ b3
a =

» Khoing cach gra haidiém A B: AB =45 = (5=, ) + (=) (5 -2,)

—

+ GOc gira hai veat: cos (a b |\a
bl @ +a +ad b} + D 4D

al.

- 4) ab _ albl +a2b2 +013b3 (H 7 a)

7. Tich c6 hréng aia hai vectr
a. binh nghia: Trong khéng giarOxyz, cho hai veat a = (al;az;as),b = (b b;b ) Tich c6 lwéng aia

12722

hai vect a va b, ki hidu 1 [Zz,/ﬂ hoic a 0b, duoc xacdinh bsi:

alb= G ). 4% al;al % =(ab —ab,;a.b, —ab;ab, —ab)
b, b, b b||b b, 2 32 3
cha y: ;DZ:—(BDa)
b. Tinh chét
cla ey BN bnd B Eod B B
’Neue an thi ~ . an‘=‘a‘.‘b‘sm(a,b)
cDb
ogzval;cungphrong - a0b=0 sa, b, Edongprang ac(an):O

c. Ung dung aia tich c6 hréng
+ Dién tich hinh binh hanRBCD 1a S

ABCD

:‘E DE‘

Chuyéndé 6. Phrong phap toa dé trong 69 khéng gian — Hinh hyc giai tich



GV. Lu S Phap Tai Liéu On Thi THPTQG

+ Dién tich tam giacABC 1 S, :%‘E arta

* Thé tich kibi hop ABCD.A'B'C'D' 1V,

BCD.A'B'C'D'

:‘(E DE).E‘

o Thé tich kii ta dien ABCD 18 V :é‘(fTB ch).fTD‘

ABCD

B. BAl TAP TRAC NGHIEM

Cau 1: Trong khéng gian & hé toa do Oxyz, cho badiémA(—1;—2;3),B(O;S;l),C(4;2;2). Tich vo
huéng AB.AC bing.

A. 27. B.72. C.17. D. 9.
Cau 2: Trong khdng gian & hé toadd Oxyz, cho badiém A(L-11) B(0;13 C( L0;). Toadd trong
tam G cua tam giacABC la.

A. G ﬂ;0;—2 . B. G g;1;il . C.G E;—2;—4 ) D. G g;O;il )
3 3 3 3 333 3 3

Cau 3: Trong khong gian & hé toa do Oxyz,cho ba veet Zl:(5;7;2),5:(3;0;4),22(—6;1;—1). Toa
do cua vecty n thoa mann = 5a +6b +4c 1.

A n=(-19;39;30).  B.n=(19:39:30). C.n=(19:-39;30).  D.n=(19;39;-30).
Cau 4: Trong khbng gian & hé toa do0 Oxyz, cho hinh binh hanh OADB c6
OA=a=(-110) b=(110=0B (O la gc toads). Toado tml ciia hinh binh haniOADB la.

A. 1(10;0). B. 1(30,1. C. 1(0;1,0). D. 1(310).
Cau 5: Trong khéng gian &i hé toa ddo Oxyz, cho badiém M(I;O;O),N(O;O;l),P(z;l;l). Tim toa do
truc tdmH cia tam giacMNP.

A. H(1;0;0). B. H(0:2;-1). C. H(-1:2;4). D. H(2-2:1).
Cau 6: Trong khong gian & hé toa d6 Oxyz, xét hinh 4p phrong ABCD.A'B'C'D' co6
A(1:2:-1),C(3:4;-1) va 1(2:3;0) la tam @a hinh &p phrong. Tim ba do tam K cia hinh vuéng
A'B'C'D'.

A K(2:31). B. K(2:3:-1). C. k(2:3:2). D. K (1;:2:3).
Cau 7: Trong khong gian & hé toa do Oxyz, cho ba veat a=(-110) b=(1L%Q ¢=( LL). Trong
cac nénh dé sau, ndnh dé nao sar

A. \a\ﬂi. B. allb. C. \6\:\/5. D. bOC.
Cau 8: Trong khéng gian & hé toa d6 Oxyz, cho badiémA(1;0;—2),B(2;1;—1),C(1;—2;2). Toa do
trong tamG cua tam giaABC la.

A G i;l;l . B. G i;—l;—2 . G i;—l;—l . D. G(4;—1;—1).
333 33 3 33 3

Cau 9: Trong khbéng gian & h¢ toa do Oxyz,cho ba veat ;z:(2;—5;3),5:(0;2;—1),22(1;7;2). Toa
do cua vectr ¢ thoa mane = a—4b—-2c¢ Ia.
A. e=(0;-27:3). B. e=(27:3). C. e=(-270:3). D. e=(0:27:3).
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Cau 10: Trong khong gian & h¢ toado Oxyz, cho ba veat a=(-1,10) b=(110 ¢=( L1L). Trong
cac nénh dé sau, nénh dé naoding?
A. a,b cing plwong.  B. co B;E):i ‘ C. a+b+c=0. D. ac=1.
J6
Cau 11: Trong khdng gian & hé toa dd Oxyz, cho Bn diém A(L0;0),B(0;1;9 €( 0;0;L D( L)
Trong c&c nhdé sau, nénh dé nao sar
A. ABOCD. B.Béndiém A B,C,D tao thanh not tir dién.

C. Tam giac ABD la tam giaaiéu. D. Tam giacBCD la tam giac vuong.
Cau 12: Trong khong gian &i hé toa d6 Oxyz, cho badiém A(2;1;—1),B(4;1;—3),C(3;7;0). Toa do
diém A’ d6i xirng ala A qua trungliém M caa BC la.

A. A (5;—2;7). B. A (5;7;2). C. A (2;5;7). D. A (5;7;—2).
Cau 13: Trong khong gian & h¢ toa do Oxyz, cho n diém A(L0;0) B( 0,59 C( 0;0;L D( L1).
Goi M, N 1an lrot 1a trungdiém aia AB vaCD. Toadd trungdiém | caa MN Ia.

A. | 1;E;—l. B. | i;—1;—1. C. 1 E;—1;—1. D. | g;g;—z.
4 4 4 222 333 333

Cau 14: Trong khong gian & h¢ toa do Oxyz, cho badiém A(1:1;0),B(0;0:1),C(2:1:1) Tim ta do
truc tdmH cia tam giacABC.

A. H(21:-1). B. H/(0:3:1). C. H(L1;0). D. H(-1:2:3).
Cau 15: Trong khong gian & hé toadd Oxyz, cho badiém A(2;1;1),B(1;—1;()),C(1;0;2). Tinhdo dai
duong chéo @a hinh idp nhin OA,0OB,OC lam ba anh.

A. 5. B.3. C.5. D. V2.

Cau 16: Trong khdng gian & hé toadd Oxyz,cho ba veet a= ( =5, 3) b= (0;2;—1),;: :(1;7;2). Toa
do cua vecty d thoa mand = 421—%l;+32 la.
A d=|11:1:2 . B.d=| L2, C. d=(11155). D.d=|11:-1:55 .
373 3773 3
Cau 17: Trong khong gian & hé toadd Oxyz cho ba veat a =(5;7;2),b =(3;0;4),c =(-6;1;-1). Toa

d6 ciia vect m théa manm =3a-2b+c Ia.
A m=(-322%-3).  B.m=(322-3).  C.m=(-3223).  D.m=(3%-223).
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§2. PHUONG TRINH M AT PHANG

A. KIEN THUC CAN NAM

1. Tich c6 hréng aia hai vectr
a. binh nghia: Trong khéng giarOxyz, cho hai veat a = (al;az;a3),b = (b b,;b ) Tich c6 lwéng aia

12722

hai vect a va b, ki hidu 1 [&,/Z} hoic a 0b, duoc xacdinh bsi:

alb=||" BES N Dl = (ap —abyab - absab, —ab,)
b, bllb, bl bl s
cha y: Z:D/Z:—(Bma)
b. Tinh chat
¢
e Néu c=alb thi 1€ il . a[]b‘ sm(a b)
Db
¢ a vab cung plrong < a0b=0 s a, b, c ddng phing = E.(&DZ)):O
c. Ung dung aia tich c6 hréng
+ Di¢n tich hinh binh hankBCD 1S, =|4B DAD|
+ Dién tich tam giacABC 1a S, =1‘X1§ OAC
+ Thé tich KHi hop ABCD.A'B'C'D' 1AV, . _‘(E DE).E‘

* Thé tich khbi tir dién ABCD laV

ABCD

= |48 Dac).ap
2. Veci phap tuyén ciia mit phing
a.binh nghla

. Vecto n#0 dugc goi la vect phap tugn cia mit phang (o) néu gia @a né vudng gocdi (o), viét tat
la: n D(O()
+ Néu hai veat a = (al;az;a3),l; = (bl;bz;b3) khéng cung ptiong va gia éa ching song songivmot
mp(a) (haic rm trén (o)) thi 7 =a 0b 1a mit vecty phap tugn cia mp(a).
b. Chu y
+ Néu n 1a vect phap tugn cia mdt mat phmg thi kn k # 0 ciing la veoh phap tugn aia mit phing d6
+ Mit phing (ABC) cO vect phap tugn n = = ABOAC
3. Phrong trinh téng quéat aia mit phiang ‘ ‘
a. binh nghia: Phrong trinh c6 dng Ax+ By +Cz+D =0, trongdd A,B,C,D khbngdong thyi bang O
duoc goi 1a phrong trinh 6ng quat éa mit phing hay con gi 1a phrong trinh nit phing.
b. Nhin xet: q ’
+ Nau mat phang(a) co phrong trinh dng quat laAx + By + Cz + D = 0 thi né c6 ndt vecty phap tugn
n= (A;B;C)
+ Phrong trinh nit phing di quadiém M, (xo;yo;zo) nhan vect n = (A;B;C) khac 0lam vecty phap
tuyén 6 phrong trinh: A (x - x, )+B(y—y0)+C(Z—ZO) =0
c. Cac tnrong hop riéng aia phwong trinh téng quéat

| Cacltsd5 | Phrong trinh nit phing @) | Dacdiém caa mit phing @) |
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D=0 Ax+By+Cz=0 (a) di qua dc tpadd O
A=0 By+Cz+D=0 (a) // Ox hoic () O Ox
B=0 Ax+Cz+D =0 (a) // Oy haic (a) O Oy
C=0 Ax+By+D =0 (a) // Oz hoac (o) O Oz
A=B=0 Cz+D=0 (a) // (Oxy) haic (@) = (Oxy)
A=C=0 By+D=0 (a) // (Ox2) haic (a) = (Ox2)
B=C=0 Ax+D=0 (a) // (Oyz) haic (a) = (Oyz)

Cha y:

* Mit phing (Oxy) c6 phrong trinh: z =0 va c6 veat phap tugn & = (0; 0;1)

+ Mit phing (Oxz) c6 phrong trinh: y =0 va c6 veat phap tugn j = (0;1;0)

+ Mit phing (Oyz) c6 phrong trinh: x =0 va c6 veat phap tugn i = (1;0;0)

4. Phirong trinh mt phang theodoan chén ‘ 7

Mat phang (a) khdngdi qua gc O, dt truc Ox,0y,0z lan luot tai cacdiem

A(a;0;0),B(0:6:0),C(0;05¢) (Vi a,b,c #0) thi c6 phrong trinh: = +2-+= =1
) o a b c

Phrong trinh nay gi la phrong trinh theatoan chan aia mit phang (a)

5. Vi tri twong déi giira hai mat phang

Trong khong giarOxyz , hai mit phing (a, ) va (a,) c6 phrong trinh:

(a,): Ax+By+Cz+D, =0; (a,): Ax+B,y+C,z+D, =0. Khi d6 (a,) quaM,(Xy; Yo Z,), cO vect

phap tugn Ié;l:(Al;Bl;Cl)v‘ a(a,) co vect phap tugn lan, (AZ;BZ;CZ).
A _B _C _D
. = - Ll =""1="1=""1
(e)=(a) A, B, C, D,
A _B _C _D
sla)ilen) - g e,

. (al)cét (0(2) = A B :C #A,:B,:C,
¢ (a,)O(a,) = n,On, = AA,+BB,+CC,=0

Luuy:
’ {:Z AR I {:Z Sy aia) s () (e)=a

6. Khoing cach fr mjt diém dén mgt mat phing »
Trong khéng giarOxyz , cho n&t phang (a) co phrong trinh Ax + By + Cz+ D =0 vadiém

M, (x,:3,:2,) - Khoang cachir diém M, dén mat phang (a), ki hiu d(M,.(a)) , duoc tinh i cong
thic:
|Ax, + By, +Cz, +D|

JA2+ B +C?

d(M,. ()=
7. Goc gira hai mit phang
Trong khong giarDxyz , hai mit phing (0‘1) va(az) c06 phrong trinh:
(a,):Ax+By+Cz+D, =0; (a,): Ax+B,y+C,z+D, =0. Khi d6 (a,) c6 vect phap tugn la:
;1 :(AI;BI;Cl)va (0(2) c6 vect phap tugn Iéer2 :(AZ;BZ;C ) . Tinh géc dira hai nit phing, ta tinh
7.0
e

goc gira hai veat phap tugn va suy ra gocan tim. cos(nl n )
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8. Lap phwong trinh mit phing
Céch 1: (Xac dinh yéu t6: VTPT va diém, nhu bang dudi day)
B1) T gia thiét, xacdinh cAc veat va cac ﬁu th khac (réu cin)
B2) Xacdinh add VTPT va bado mot diém oia mit phing
B3) Thay vao phuong trinh (1). Thu gon va két luan
Cach 2: (Xac dinh hé sd)
B1) Qi PT mpda cho c6 dng: Ax+By+Cz+D =0,(2)
B2) Tur gia thiét, xac dinh 4 hé s6 A, B, C, D (kiém tradiéu kién, réu co)
B3) Tha vao phuong trinh (2). Két luan

Dang Tinh cHit caa mp@) (gia thiét cho) Pi quadiém VTPT
1 | mp() qua 3diémA, B, C A B, C ﬁ;:[xéﬂq
2 | mp() la mit phing trung ttrc doan AB '\gi?n;[rAugg n, = AB
3 mp(@) quaM va song sond3): Ax+By+Cz+D =0 M n, = n, =(AB;C)
. mp(@) quaM va vuéng gédudong thing (d) M n, = a,
mp() qua M va vuéng géduong thing AB M ﬁ; = AB
mp(a) quaA, B va song songdj A haic B E = [—BE}
mp(@) quaA, B va song sonGD A haic B n = [E@}
° mp() chra (d) va song songd() Lay M O (d) n, = [T,EJ
mp(0) chia d) va song songB Lay M O (d) n, = [@E}
mp() qua 2diém M, N va vuéng goc mg) M haic N ﬁ;=[mﬁ;}
° mp(a) chra (d) va vudng géc mif) Lay M O (d) ﬁ;= :@ﬁ;:
7 mp() quadiém M va vuéng goc 2 mj, (y) M F‘;: _ﬁy'ﬁ;:
8 mp(@) quadiém M va ssong 2t (d), (d) M ﬁ;: :Eﬁ;:
9 | mp() quadiém M, vubng géc mi) va ssongdt (d) M n, = :E@:
10 | mp(@) chia @) vadi quaMO(d) M EOS((: dgay n, =[ VN, |

9. Tim H 1& hinh chiéu cia M trén mp(a)
Céch 1.H la hinh chéu ciaM trénmp(a) : Ax+By+Cz+D =0

Ax, +By, +Cz, +D =0

[HD®@ y
MH ,n cung phuong HA M = HB M = HC M

Céch 2. Vit phrong trinhduong thing d) quaM va vuéng géc mp() = Toadd H la nghém cua kg
phuong trinh @m phrong trinh @a (d) va ¢)

10. Timdiém M’ di xieng véi M qua mp(@)

Tim hinh chéu H caaM trén mpg) = H la trungdiém aia MM' = Toado diém M’
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B. BAl TAP TRAC NGHIEM

Cau 1: Trong khong gian& hé toadd Oxyz. Viét phuong trinh it phing (@) di quadiém M (1,-2;3)
va song songdi mat phing (8): 2x-3y+z+ 5= 0.

A. 2x-3y+z-11=0 B. x+3y-z-7=0. C. x-3y+z+11=0. D.2x-3y+z-9=0.
Cau 2: Trong khéng gian& hé toadd Oxyz, cho haidiémA(l; —2;4),B(3;6;2) .Viét pheong trinh it

phiang trung ttrc ciadoan thing AB.
A x+4y—-z+7=0. B.4x+y-z-7=0. C.x+y—-4z+7=0. D. x+4y-z-7=0.

Xx=-1+2t
Cau 3: Trong khoéng gian & hé toa 46 Oxyz, cho haiduong thing d:{y=1+3 tOR va
X=2+t
Xx=2+t'
d :{y=-2+5' t'OR. Phrong trinh nit phing (a) chia d’ va song songai d la.
z=-2
A. 11x-5y— 72— 32= 0 B. 5x—11ly— 72+ 32= 0
C.1Ix+5y+7z-32= 0 D.11x-7y-5-23= 0

Cau 4: Trong khdng gian & hé toadd Oxyz, cho badiém A(1;1;2),B(—2;1;—1),c(2; —2;—1) . Tim ba
d6 hinh chéu cia goc O trén mpABC).

o’ 3;—1;1 . B.O L;3;—i . C.O i;z;E ) D. O i;i;—i )
17 34 34 3417 34 4°7 4 3417 34

Cau 5: Trong khong gian & h¢ toadd Oxyz, cho batiém A(1:-1:2),B(-1:0;3),C(0:2:1). Di¢n tichS
cua tam giacABC.

A. Szﬁ. B.SZﬂ. C.SZ&. D.S:i
2 2 5 2

Cau 6: Trong khdng gian & hé¢ toa d6 Oxyz. Cho hai nit phing (@):x+y+z-3=0 va
(B):x~-y+z-1=0. Viét phuong trinh nit phing () vudng goc ¥i (a) va (B)sao cho khang cach
tir O ¢én mp(y) bang 2.

A. (y):x—zi3\/520. B. (y):x+zi\/5=O.

C. (y):x—zi2\/5=0. D. (y):y—ziZZO.

Cau 7: Trong khong gian & hé toado Oxyz, cho nit phing (a) di qua A(3;-1;-5)ddng thdi vuong
géc Wi hai mit phing (B):3x—2y+21+7=0 va (y):5x—4y+3z+1:0. Phrong trinh nit phing
(o)-

A x+2y-2z-15=0. B. x+2y—-z-15=0. C.2x+y—-2z-15=0. D.2x+2y-z-15=0.
Cau 8: Trong khéng gian & hé toa dd Oxyz. Viét pheong trinh nit phing (a) di qua haidiém
A(3;1-1) ,B( 2;- 1,4 va vudng goc & mat phang (B): 2x-y+3z-1= 0.

A. 5x-13y-z+5=0 B. x-y-z+5=0. C. x-13y—-5z2+5=0 D. x+13y+5z2-5=0
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Cau 9: Trong khong gian & hé toa do Oxyz. Viét pheong trinh mit phing qua badiém
A(0:2:1),B(3;0:1).C(1:0;0).

A. 2x+3y—-4z+2=0. B.2x+3y+4z-2=0. C.2x+3y—-4z-2=0. D.2x-3y—-4z+1=0.
Cau 10: Trong khong gian éi h¢ toadd Oxyz, cho n diém A(5:1:3),B(1:6:2).C(5:0:4), D (4:0:6).
Trong cac rnh dé sau, nénh dé nao sai ?

A. Phrong trinh(BCD): 6x+5y+3:-42=0. B.Phrong trinh (ACD):2x +y+z~14=0.

C. ABOCD =(10;6;5). D. ACUAD =(-2;-1;-1).

Cau 11: Trong khong gian i hé toadd Oxyz, cho haidiém A(0;11) va B(12;3). Viét phrong trinh

mat phing (P) di quaA va vuéng goc & duong thing AB.
A. x+3y+4z-7=0 B. x+y+2z-3=0. C. x+y+2z-6=0. D. x+3y+4z-26=0

Cau 12: Trong khéng gian & hé toa dd Oxyz. Goi (a)la mat phing cit ba tuc toa do tai ba diém
M (8;0;0) ,N(0;-2;0), P(0;0;4). Phrong trinh @a (a) la.

) X l+5:1_ B. x-4y+2z=0. C.§+l+E:O. D. x-4y+2z-8=0
4 -1 2 8 -2 4

Cau 13: Trong khéng gian & hé toa d6 Oxyz. Cho hai mit phang (a):x+2y+2z+11:0va
(B) :x+2y+2z+2=0. Tinh khang cach dia hai nit phing song songﬁa) va (B)

A. d(().(B)=4. B. d(().(®)) =3. C.d((w.@)=10.  D.d(@).®)=7.
Cau 14: Trong khong gian & h¢ toa do Oxyz, cho mit phing (a)di qua cac hinh chu cia diém
B(2;3;4) trén cac tuc toadd. Phrong trinh mit phing (a).

A. 6x+4y+3z-12=0. B. x+y+z-12=0.

C.3x+4y+6z-12=0. D. 3x+2y+z-12=0.
Cau 15: Trong khéng gian & hé toa d0 Oxyz, cho niit ciu (S):(x—1)2+(y+3)2+(z—2)2 =49 .
Phrong trinh nao dai day la phrong trinh niit phang tiép xac Wi (S)?

A x+y+z-55=0. B. 6x+2y+3z+5=0.
C.2x+3y+6z-5=0. D. 6x+2y+3z-55=0.

Cau 16: Trong khong gianéi hé toadd Oxyz, cho mit phing (a) di quadiém E£(0:2;0) va song song
vGi mat phang (B) :2x+3y—4z-2=0. Phrong trinh nit phing (a).

A. 2x+3y-4z-6=0. B. 2x+3y—-4z-12=0.
C.2x+3y—-4z+22=0. D. 2x+3y-4z-21=0.

Cau 17: Trong khong gian & hé toa d6 Oxyz. Lap phrong trinh mit phang (a)song song & mat
phing (B):x+y+2z+120 va tiép xuc Wi mat ciu (S): x> +y> +z2 —2x+4y—6z+8=0.
A (a):x+y+2z-11=0. B. () :x+y+2:-22=0.
C.(a):x+y+2:-2=0. D. (a):x+y+2:-1=0.
Cau 18: Trong khéng gian & hé toa d6 Oxyz, cho mit phang (a)di qua ba diém
M (1;0;0),N (0;-2:0), P (0:0;-3) . Phrong trinh nit phéng (o).
A x-y-z-6=0. B. x-3y-2z-6=0. C.6x+3y-z-6=0. D.6x-3y-2z-6=0.
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Cau 19: Trong khong gian i h¢ toadd Oxyz, chodiém M (1:4;2)va mit phing (a):x+y+z-1=0.
Tim toado diém H & hinh chéu vudng goc gadiém M trén mit phang (a).

A. H(1:2:0). B. H(2:-1:0). C. H(210). D. H(-1:2:0).
Cau 20: Trong khong gian & hé toadd Oxyz, cho n diem A(5;1;,3) ,B(1,6;9 C( 50,3 D( 4;0;%.
Goi mit phing (a) di qua @nh AB va song songai canh CD. Phrong trinh nit phing (a).

A. 10x-9y+5z+74 =0. B. 10x+9y+5z-4=0.

C.10x+9y+5z-74=0. D. 5x+3y+2z-7=0.
Cau 21: Trong khéng gian & hé toa do Oxyz, cho nit phing (a)di qua hai diém
D(1;0:1), £(5:2:3) va vubng goc &i mat phang (y): 2x -y +z~7=0. Phrong trinh it phéng (o).

A z-2x-1=0. B. x-2z+1=0. C. x-2y+1=0. D. y-2z+1=0.

Cau 22: Trong khong gian & hé toadd Oxyz, cho mit phang (a):4x+y—2=0.Vect nao trong cac
vechb sauday cé gia vudng gocdv mit phing (a).

A. n=(-140). B. n=(-8-2:0). C. n=(140). D. n=(411).
Cau 23: Trong khodng gian & hé toadd Oxyz, cho haidiém A(2;3;7),B(4;1;3) Viét phuong trinh nit

phing trung trrc ciadoan thing AB .
A x-y-2z-9=0. B.2x-y-z+9=0. C.x-y-2z+9=0. D. x-2y-z-9=0.

Cau 24: Trong khong gian & hé toa 46 Oxyz, cho hai mit phing 1a 2x—my+3z-6+m=0 va
(m+3)x=2y+(5m+1)z=10=0 (mla tham § thyc). Tim £t ci gia ti ciam dé hai mit phing d& cho

trung nhau.
A m=1. B. m#1. C.m=2. D. m#2.

Cau 25: Trong khdng gian & hé toa d6 Oxyz, cho hai mit phing (C():3x—5y+mz—3=0 va

(B) :2x+ny—3z+1=0 (mnlatham & thyc). Tim #t ca gia ti ciamvan dé hai mit phaing da cho song

song Vi nhau.
A. nIE,m :2. B. m:—l,nI—E. C. n=—£,m=—2. D. n=-10,m =-9.
3 2 3 2 3 2

Cau 26: Trong khoéng gian & hé toa dé Oxyz, cho niit phing (a)chtra tuc Oz vadiém C(3;—4;7).
Phrong trinh mit phing (0().

A. 3x+4y=0. B. 4x+3y=0. C. 4x+3z=0. D. x+y=0.
Cau 27: Trong khong gian & hé toado Oxyz, cho haidiém A(0;L-1) B(2-13 Viét phuong trinh

mit phing trung terc ciadoan thing AB.
A x-4y+2z+3=0 B. x-y-2z-3=0. C.2x+y+2z-3=0 D. x-y+2z-3=0.

Cau 28: Trong khoéng gian & hé toa d Oxyz, cho ®Bn diém
A(L-2;0) B(0- 13 C( 2% L D( 3;L). Hoi co tht ca bao nhiéu rit pring cachiéu bbn diém d6 ?
A. 1 mat phing. B. 7 mat phing. C.V6 s6 mit phang.  D. 4 mat phing.
Cau 29: Trong khong gian & hé toa dd Oxyz. Tim trén tnc Oz diém M cachdéu diém A(2;3;4) va
mét phing (o) : 2x +3y +2-17 =0.
A. M (0;0;3). B. M (0;0;6) . C. M (0;0;5). D. M (0;0;4) .
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Cau 30: Trong khong gian&i h¢ toadd Oxyz, cho nit phang (a) di quadiém G(1;2;39) va dit cac toc
toadd tai cacdiém A B,C sao chdG la trong tam @a tam giacABC. Phrong trinh nit phing (a).

A Z+Xiiog B. 2+2+2=) c.2+2+2o. D. 242422,

'3 2 4 9 6 3 6 9 3
Cau 31: Trong khéng gian & hé toa do Oxyz. Tim trén tnc Oy diém M cachdéu hai mit phing:
(O():x+y—z+1=() Vé(B):x—y+z—5=O.
A. M (0;-4;0). B. M (0;-3;0). C. M (0;-6;0) . D. M (0;-5;0).
Cau 32: Trong khéng gian & hé toadd Oxyz, cho mit phang (a) di quadiém H(2; 1;1) Vva it Cac toc
toadd tai cacdiém A,B,C sao chdH 1 tnrc tam @ia tam gidABC. Phrong trinh nit phing (a).
A 2x+y+z-6=0. B. x+2y+z-6=0. C.2x+y+z-12=0. D.x+y+2z+6=0.
x=t
Cau 33: Trong khoéng gian & hé toa d6 Oxyz, cho duong thing d:{y=8+4r va mit phing
z=3+2¢t

(a):x+y+z-7=0. Lap phrong trinh it phing (B) di quad va vudng goc & mp(a).
A. (B):2x+y-3z+1=0. B. (B):2x+y+3z+1=0.
C. (B):x+2y-3z-1=0. D. (B):x+2y-3z+1=0.

Cau 34: Trong khéng gian & hé toadd Oxyz, cho nit phang (a):x+2y—z—2 =0. Tim pa do diém
O' d6i xing dia gic toadd O qua it phing (a).

0} %;i;z ) B. 0'(2;4;—2). C. 0 E;i;—z . D. O —g'i; )
333 33 3 3

3
Cau 35: Trong khong gian&i h¢ toadd Oxyz, cho tbn diém A(4:1:4),B(3:3:1).C(1;5:5)va D(L:1:1) .
Tim toadd hinh chéu caa D trén mpABC).
A. D (E,E,gj B. D’ (g,g,ﬁj C.D (E,E,ﬁj D. D’ (i,l,i .
25 5 25 25 5 25 25 25 25 255 25
Cau 36: Trong khong gian & hé toadd Oxyz, cho miit phaing (a)chtra tuc Ox vadiém A(4;—1;2).
Phrong trinh mit phing (0().

W | N

A y+2z=0. B. 2x+z=0. C.2x+y=0. D.2y+z=0.
Xx=-1+2
Cau 37: Trong khong gian & hé toa d6 Oxyz, cho haiduong thing d:{y=1+3% tOR va
X=2+t
x=2+t'
d :{y=-2+5' t'OR. Phrong trinh nit phing (8) chiad va song songdi d’ la.
z=-2t
A. 11x+5y+ 72+ 30= 0 B. 7x-11y-5%-30= 0
C.11x-5y—- 7z+ 30= 0 D. 11x- 7y- 5+ 20= 0
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Cau 38: Trong khong gian & hé toa d6 Oxyz, cho dwong thing A c6é phrong trinh:
x-10 y-2 z+2

. Xét mit phang (P):10x+ 2y +mz+ 11= C (mla tham 8 thuc). Tim #t ca cac gia

5 1
tri caamdé (P) vudng goc i duong thing A .
A. m=2. B. m=52. C. m=-2. D. m=-52.

Cau 39: Trong khong gian & hé toa do Oxyz, cho diém A(0;-2;0) va mit phing
(a):7x-y+2z-1= 0. Tinh khang cach& A dén mat phing (a).

_+/54 _ 3 _ 3 _ 5
A.d(A,(a))—H. B.d(A,(a))—a. C.d(A,(a))—E. D.d(A,(a))—ﬁ.

Cau 40: Trong khong gian & hé toa d6 Oxyz. Lap phrong trinh tép dién cia mat cau (S):
X +y+77 —6x-2y+4z+5=0tai diém M(4;3;0).

A. 2x+y+2z-10=0. B. x+y+2z-10=0. C. x+2y+z-10=0. D. x+2y+2z-10=0.
Cau 41: Trong khoéng gian & hé toa do Oxyz, cho hai nit phing (a):2x+my+3z—5:0 va
(B):nx~8y=6:+2=0 (m, nla tham é thyc). Tim fit ca gid tj ciam van dé hai mit phing d& cho
song song & nhau.

A m=—-4,n=4. B.m=l,n=—l. C.m=l,n=l. D. m=4,n=-4.
4 4 47 4
Cau 42: Trong khéng gian & hé toa d6 Oxyz, cho diém A(l;2;1),B(4;5;—2)vé1 mit phing
. 2 Zy oo 2 . . +« MB
(a):3x~4y+5z+6=0. Duong thing AB cit mat phing (a) tai M. Tinh 7R
A. 4. B. 2. C. l D. l
3 2

Cau 43: Trong khdng gian & hé toa dd Oxyz, cho hai nit phing la 2x—-my+3z-6+m=0 va
(m+3)x—2y+(5m+l)z—10=0 (mla tham 6 thyc). Tim #t ca gia ti ciam dé hai mit phang da cho
vuodng goc ¥i nhau.

A. m=%. B.m=—%. C.m=—%. D.m=g.
Cau 44: Trong khong gian & h¢ toa do Oxyz, cho mit phing (a)di qua ba diém
B(2:-1:3),C(4;0:1),D(~10:5;3). Phrong trinh nit phing (a).

A 2x+2y+z-6=0. B.x+2y+2z+6=0. C.2x+y+2z-6=0. D. x+2y+2z-6=0.
Cau 45: Trong khong gian & hé toadd Oxyz, cho haidiém A(O;2;—1),B(2;O;1).T‘|m toa do diém M
trong mit phing (Oyz) sao choMA® + MB* dat gia tii bé nfat.

A. M(0:2:1). B. M(1:1;0). C. M(0:10). D. M (0:1;2).
Cau 46: Trong khong gian & h¢ toa dd Oxyz, cho nit phing (a)di qua OE va vudng goc & mat
phing (B):2x+3y—4z—2 =0, Voi E(O;Z;O). Phrong trinh nt phang (a).

A 2y+z=0. B. 2x+z=0. C.2x+y+z=0. D. 2x+y=0.
Cau 47: Trong khéng gian & hé toa do Oxyz, cho hai nit phing (G):2x+y—5z+14 =0va
(B):x +my~2mz+5=0(mlatham é thyc). Tim fit ci gia ti cham dé hai mit phing d& cho vuéng goc
véi nhau.
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A.m=—£. B.m=—£. C. m—E D. m—l
11 2 2 11

Cau 48: Trong khong gian & hé toa 46 Oxyz, cho hai mit phing 1a 2x—my+3z-6+m=0 va
(m+3)x—2y+(5m+1)z—1020 (mla tham 6 thyc). Tim #t ca gia ti ciam dé hai mit phang da cho

cit nhau.
A m#£l. B. m#-1. C. m=1. D. m=-1.

Cau 49: Trong khéng gian & hé toadd Oxyz, cho miit phang (P): x—2y+ 3= 0. Tim vect phap tugn
cua mit phang (P).

A. n=(1-2;0). B.n=(4-2;3. C.n=(12,0). D. n=(12;3).
Cau 50: Trong khéng gian i hé toadd Oxyz, cho it phing (a) di quadiém A(2;5; —7) va song song
véi gia aia hai veat a= (1; —2;3),5 = (3;0;5) . Phrong trinh nit phang (a).

A. 5x+2y+3z+21=0. B. 5x-2y-3z-21=0.

C.5x-2y-3z+11=0. D. 5x-2y-3z-11=0.
Cau 51: Trong khéng gian & hé toa ddo Oxyz, goi A B,Clan luot [& hinh chéu vuéng géc ta diém
M (8;-2;4) 1&n cac tac Ox,0y,0z. Viét phrong trinh nit phang (ABC).

A. x-4y+2z2-8=0 B. x+4y+22-8=0 C.2x-y+2z-8=0 D. x+4y-2z-8=0.
Cau 52: Trong khéng gian & hé toa do Oxyz. Tim fa do hinh chéu vudng goc a diém
M, (1;-1;2) trén mit phang (a): 2x —y +22+12 =0.

A. M(/) g;g;& ) B. M(/) —g;&;—E )
9 99 9 9 9

C. M(/) 2 1 _2 D. M(/) 20 10 29
9 9 9 9 9 9

Cau 53: Trong khdng gian& hé toadd Oxyz, cho bn diém A(L0;0) B(0;5Q C( O;0LD(- 2;% ).
Trong cac ranh dé sau, nénh dé nao sai ?

A. Phrong trinh nat phang (BCD) : x—2y—2z+ 2= 0.

B. d(A,(BCD)) =1.

C. A B,C,D labbndinh aia mot tir dién.

D. BAUBD =(,-2;-2).
Cau 54: Trong khdng gian & hé toa d6 Oxyz, cho hai mit phing (a):2x+my+2mz—9:0va
(B):6x~y=2z-10=0(mla tham & thyc). Tim £t ci gia ti cha m dé hai mit phing d& cho vudng goc

véi nhau.
A. m=2. B. m=-4. C. m=-2. D. m=4.

Cau 55: Trong khong gian & hé toa do Oxyz, cho badiém A(L11) ,B(4;1Qva C(-14;-1) Mit
phéng () ndo dréi day chiradudng thing AB ma khading cach i diém C dén (a) bing v14.

A. (a):x-2y+3z=0. B. (a):x-2y+3z-2=0

C. (a):x-2y+3z-3=0. D. (a):x-2y+3z-5=0.
Cau 56: Trong khong gian & hé toa dd Oxyz, cho nit phing () di quadiém M (0;0;-1) va song
song i gia cia hai veat a=(1-2;3) vab=(3;0;5). Phrong trinh nit phing (a) 1.

A. 5x-2y-3%+21=0 B. 5x-2y-32-21=0

C. 5x+2y+3Z+3=0 D.10x-4y-6z+ 21= 0
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Cau 57: Trong khong gian i h¢ toadd Oxyz, chodiém M (1:4;2)va mit phing (a):x+y+z-1=0.
Tim toadd diém M’ d6i xing aciaM qua nit phing (a).

A M’ (=3:-2:0). B. M’ (0;-2:3). C. M’ (3:0:2). D. M'(-3:0;-2).
Cau 58: Trong khéng gian & hé toa d6 Oxyz.Cho ba mt phing (a):x+y+2z+1=0,
(B):x+y-z+2=0va(y):x-y+5=0. Trong cac rénh dé sau, ndnh dé¢ nao sai ?

A (BOW. B. (@) /1(y). C. (). D. (o) U(B).
Cau 59: Trong khéng gian & hé toa 46 Oxyz, cho nit phing (P):3x+4y+ 2z+ 4= 0 va diém
A(L-2;3) . Khoang cachd tir diém A dén (P) bang

V29 5 1 5
A d=——. B.d=———. C.d=——. D.d=——.
5 v129 V29 V29

Cau 60: Trong khéng gian & hé toa do Oxyz, cho badiém A(1;2;3),B(0;1;1),C(1;O;0) . Tinh

AC OBC.
A. ACOBC =(-1:3;2). B. ACOBC =(-1;3-2).
C. ACOBC =(1;-3;2). D. AC OBC =(-1;-3;2).

Cau 61: Trong khong gian & hé toa d6 Oxyz, cho nit phing (a)di qua D(2;6;—3) va song song
mp(0Ozx) . Phrong trinh it phéng (o).

A x-2=0. B. y=0. C. z+3=0. D. y-6=0.
Cau 62: Trong khéng gian & hé toa d0 Oxyz, cho In  diém
A(1;0;1),B(—1;1;2),C(—1;1;0),D(2;—1; —2). Trong cac rénh dé sau, nénh dé nao sai ?

A. S, =13.
B. BC OBD =(-4,-6,0).
C. Phrong trinh nit phing (BCD) : 4x+ 6y +z- 2= 0.

D. Vyyop =
3

ABCD

Cau 63: Trong khdng gian éi hé toadd Oxyz, cho badiém A(0;2;1) ,B(3;0;3 €( 1,0;9. Phrong trinh
mat phang (ABC) la.

A. 2x-3y-4z+1=0 B.2x-3y-4z+2=0 C. 2x+3y—-4z-2=0 D. 4x+6y—-8+2=0
Cau 64: Trong khéng gian & hé toa d6 Oxyz, cho hai nit phing (O():2x+ny+2z+3=0 va
([3) cmx+2y—4z+7=0 (mn la tham & thyc). Tim #it ca gia ti cia m van dé hai mit phing da cho

song song & nhau.
A m=—-4;n=-1. B.m=4n=1. C.m=—4n=1. D.m=4,n=-1.

Cau 65: Trong khoéng gian & hé toa dd Oxyz, cho mit phing (a)chtra tuc Oy va diém B(1;4;—3).
Phrong trinh miit phing (0().
A. 3y+z=0. B.3x+z=0. C.3x-y=0. D. x+3z=0.
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§3. PHUONG TRINH PUONG THANG

A. KIEN THUC CAN NAM

|. Phuong trinh tham sé va phwrong trinh chinh tic dia dudng thing
1. Phwong trinh tham so

Chodudng thing A di quadiém M, (x,:y,:2,) V& ntin vect a =(a,:a,:a,)# 0 1am vect chi phuong.
x=x,tat
A c6 phrong trinh tham&la: {y =y, +a,t , trongdo t 1a tham 8.
2=z, tat
2. Phaong trinh chinh tic
Chodudng thing A di quadiém M, (x,:y,:z,) vantin vect a =(a;:a,:a,) Véi a,a,a, # 0 lam vect
T YTV 2T

a, 4, a,

chi phrong. A ¢é phrong trinh chinhic [a: a

1. Vi tri twong déi gitta hai dwong thing
Cho haiduong thing d va d'lan luot di qua haidiém M, (x,:y,:2,). M, (xg;yg;zg)va c6 veat chi

. - ~/ -~ - I
phuong ln luot a =(a1;a2;a3), a :(al’;a;;ag) .Pit n=a0a , ta co cadiéu kien sau:

1drid - "0 2.d=d' "7V
M, Od' M, Od'
. Z#f) N p - /
3.dcatd' - 4. 4.d vad'chéo nhau- n.M M # 0
nM,M, =0
5.d0d" = ad =0
X=x +at x=x, +at
Cach khac: Vi tri tuong ddi gitta 2duong thing : (d):{y=y,+at va(d"): y=y +a, t
z=2z+ gt z=zZ +a,t
X +at= X+ gt
Xét hé phuong trinh: Jy. +at=y +at (¥
z,+at=Z,+ at

¢ Néu hé (*) c6 nghém duy nhit thid cit d’ tai mot diém
¢ Néu he (*) c6 vd $ nghiém thid trung i d
¢ Néu he (*) v nghiém thi d va d’ khéng cdiém chung
Khi d6:
+ Néu hai VTCP éad vad cung phrong trinhd/d’
- Néu hai VTCP éad vad khodng cliing phrong trinhd vad' chéo nhau.
II. V i tri twong déi gitra dwong thing va mit phiang

Choduong thing d di quadiém M, (xo;yo;zo) va c6 veat chi phrong la a =(a1;a2;a3) , mat phang
(a) c6 phrong trinh: Ax+ By +Cz+ D =0. i n= (A;B;C) la vecty phap tugn dla(a) . Taco cac
diéu kien:

- — - —

1.d//(a) = {L’Z;(()a) 2.d0(a) - {L’:;(()a)
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3.d cit (a) = an#0 4.40(a) = n=ka, véi moi kla  thyc
Cach khéac: Vi tri trong ddi duong thing va nit phang:
X=x +3at
Choduong thing (d):{y=y, + a tva mp(a) :Ax+ By+ Cz+ D=0
z=z+at

Lap phrong trinh A(x, + at)+ B y+ ad+ q z+ af+ D=0 (¥, (tlaan)
= (*) vO nghim = d // (@)
= () codung 1nghdm r=1, = d n(a)=M(x, +ap:y, +a,,:2, +at, )

(*) vo sd nghiém = d O (a)
IV. Tinh khoang cach )
1. Khoang cach tr mgt diem den mot dwong thang

Chodudng thing A di quadiém M, (x,:y,:z, ), ¢6 veob chi phrong a =(a;:a,;a,) vadiém M
‘M M Oa
N
Céch khac Tinh khaing cacht diém M dén duong thing A, ta thre hién cac Ixéc sau:

B1. Viét phuong trinh nit phang (a) chira M va vudng goc &i A
B2. Tim giaadiém H caa A va (a)
B3. Khaing cach@ M dén A chinh 1a khang céch dia haidiém M vaH: d(M,A) =

2. Khoang céach gira dwong thang va mit phang song song
bé tinh khaing cach gradusng thing A song song éi mot mét phing (a), ta thec hign cac hroc:

Khi d6: d(M A)

B1. Lay mot diém M, (xo;yo;zo)tl]y y trén A
B2. Khaang cach dgia A va(a) chinh 1a khéng cach diem M dén (a) ; d(A,(a)) :d(MO,(a)) va
Ax, +By +Cz +D
JA* + B+

3. Khoang céach gira hai dwong thing chéo nhau
Cho haidudng thing chéo nhau va A’

» A quadiém A va c6 vecb chi phuong a

+ A quadiém B va c6 vect chi pheong b
(a01b) 4B

—

Khi d6: d(A,A’) =

Céch khac Dé tich khaing cach gia haiduong thing chéo nhaw\ va A', ta thrc hién cac Ixsc:
B1. Viét phuong trinh nit phing (o) chiradwong thing A va song songdi A’
B2. Liy mot diém M (x,:y,:z, )ty ¥ trén A’
B3. Khaing cach gta A va A’ chinh 14 khéng cachi diém M| dén (a): d(A,A’) = d(Mé,(a))
V. Lap phwong trinh dudng thang: 7
Phrong phap: (Xaa:hnh yeu t6: VTCP vadiém, nhr bang dxdi day)
B1) Tur gia thiét, xacdinh cac veet va cac ﬁu tb khac lién quan @u cn)

B2) Xacdinh padd VTCP va bado mot diém caaduong thang
B3) Thay vao phuong trinh tham sb hay phuong trinh chinh #ic
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Céc dng 7 7 7 i
Dang Tinh cht cia duong thingd (gia thiet cho) bi quadiém VTCP
1 | buong thingd di quaA, B A B u, = AB
2 | buong thingd quaA va song songdt A A u, = u,
3 | buong thingd quaA va vudng géc mpu) A u, = n,
4 DPuong thingd quaA va vudng goc 2t ds, ds A @ = _Q,@]
5 | buong thing d quaA va ssong mp(), mp(p) A w=n ]
(hay ssong mp nay va chura trong mp con lai) ’ o =[N Tk |
. , Lay . -
6 buong thangd la giao tugn aia mp@), mp() | D(a) n (,3) Uy =| Ny g |
7 buong thang d quaA, vudng goéaiuong thang A o=l E_
A va ssong (hay cta trong) mpd) d LA
8 Duong thingd quaA, vuong géaiudng thing A u, = [QE] (V6i mp(a)
d; va at duong thang d, la mp quaA vady)
7 ’ AvaB
9 buong thang d quaA, vudng goc vaa duong (TimB la O = AB
thang A h/chiéu cia A d =
lénd)
A vaB’ (lan
\ 2 S s £ , \ 2 |u(_)’t la h/ChéU
10 illr?ng thingd la hinh ch¢u aia duong thang ciaA B 1én E AR
en () (@); Iy A
BOA)
11 Puong thingd quaA va cit 2 dudng thing dy, A Uy = H@' m] '[@1mﬂ
d %
2 (Lay M Od,,NOd,)
IV. Tim H I& hinh chiéu cia M trén dwong thing (d)
H O(d)

Céch 1H |a hinh chéu ciaM trénduong thing @d) = {

Giai h¢ phuong trinh, tim toa do diém H.
Céch 2. Vit PT mp6) quaM va vudng goc &i (d)= Toadd H 1a nghém ocia ke pheong trinh gm
phuong trinh @a (d) va @).

_

MH Ou,

VII. Tim t pa dd diém M’ [a ddi xing véi M qua dwong thang d:
Tim hinh chéu H caaM trén @) = H |a trungdiém ciaMM’ = toado diém M’

Chuyéndé 6. Phrong phap toa dé trong

toa d0 di€ém H thda min (d)
MH.a, =0
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B. BAl TAP TRAC NGHIEM

X=3
Cau 1: Trong khdng gian & hé toadd Oxyz, choduong thing A:{y=7 ,tOR. Vecio ndo trong cac
z=5-1
veck sauday cé gia song songivduong thing A.
A u=(0,0;-2). B. u=(213). C. u=(10;-1). D. u=(0;2:1).
X=1+2t
Cau 2: Trong khong gian & hé toa do Oxyz, cho haiduong thing d,:{y=2+3t,tOR va
X=3+4t
x=3+4t
d,:J y=5+6t ,t OR. Trong cac rénhdé sau, nénh dé naoddng ?
z=7+8t
A.d//d,. B. d, =d,. C.d 0Od,. D. d,va d, chéo nhau.

Cau 3: Trong khong gian & hé toadd Oxyz. Choduong thing A:x =y =z Tim toado diém M' ddi
Xung aia M (1; 2; —1) quaduong thing A.

A M g;_l;i . M' 1;_2;1 _ C. M'(l;—2;7). D. M’ l;z;é .
333 3 33 333

Cau 4: Trong khéng gian & hé toa do Oxyz, chodiém C(3;2;1) va mit phing (O():2x—5y+4 =0.
Phrong trinhduong thing A di quaC va vuéng goc &i mit phing (0() la.

x=3-2t x=3
AL A:Sy=2+5¢,t0R. B. A:<y=2-5¢t0R.
z=1 z=1+2¢
x=3+2t x=3+2t
C.A::y=2-5t,t0OR. D.A:sy=2 ,OR,
z=1 z=1-5¢

Cau 5: Trong khdng gian & h¢ toa dd Oxyz, cho badiém M (0;152) N(10;} va P(2;1-2). Viét
phueong trinhdudng thingd quaM va song songdi duong thing NP.

A.d:x—_1=2=2+2. B.d:lzy—ﬂzz;z.
1 1 -3 -1 1 3
c.g:X=y1_2z2 D.d:X=¥1_23
1 1 -3 1 1 -3
Cau 6: Trong khong gian & hé toa dd Oxyz, cho mit phing (a): 2x+ y+3z+ 1= 0 vaduodng thing d
X=-3+t
c6 phrong trinh tham & {y=2-2t tOR. Trong cac rénhdé sau, nénh dé naoding ?
z=1
A. d cit (a). B. d//(a). C.d0(a). D. d 0(a).

Cau 7: Trong khong gian & hé toa dd Oxyz, cho mit phing (a):3x~-2y-z+5=0va duong thing

x=1_y=-7_2z-3
2 1

A:

. Tinh khang cach dgia A va (a).
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d(A,(a))=¥. d(n, (a))-i. C. d(A(m)= D. d(a, (a))_i

Ne) ﬁw
N

x=2+t
Cau 8: Trong khong gian & hé toadd Oxyz, chodiém A(1;0;0)vaduong thing A:4y=1+2¢,10R.

z=1
Tim toadd diém A’ d6i xing aia A quadudng thing A.
A. A'(2:1,0). B. A’ (-1:0;2). C. A'(2:0;-1). D. A’(2;0:1).
Xx=-1+2t
Cau 9: Trong khéng gian & hé toa d6 Oxyz, cho duong thing d:{y=1+3t ,tOR va
X=2+t
(a):12x-5y- 7z- 32= (. Khoang cach gradva (a) la.
A, 52/19° B. v/195. c. %2 p. Y62
5 195 100
A ] " . A R . 2 x=2 y+1 _ z-1 N
Cau 10: Trong khong gian & hé toa d6 Oxyz, choduong thing A: = 5 = . Vecb nao
trong cac vedt sauday co gia song songivduong thing A.
A u=(6:-4;2). B. u=(2-11). C.u=(-231). D. u=(-21-1).
Cau 11: Trong khodng gian & hé toa do Oxyz, cho haiduong thing d:x;:y;l:Z;S va
d x;1 = y;rz _z*l Khang dinh nao saday lading ?
A. dva d’' 1a haiduong thing chéo nhau.
B. dva d’ la haiduong thing cit nhau.
C. dva d'1a haiduong thing tring nhau.
D. dva d'1a haiduong thing song songdi nhau.
x=1+at
Cau 12: Trong khéng gian & hé toa d6 Oxyz. Tim a dé hai duong thing d:{y=t ,t OR cit
z=-1+2¢
x=1-¢
dly=2+2¢ ¢/ OR
z=3-¢
A a=1. B. a=2. C.a=3. D. a=0.

Cau 13: Trong khong gian & h¢ toa do Oxyz, cho mit phang (a):2x+y+z-1=0 vaduong thing

d :XT_lz%— £ 12 Goi M 1a giaodiém cia dva( ) , hay vét phrong trinh @a duong thing A di qua

M vuéng goc i d va nim trong (0() :
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x=2-4¢

A A: y=%+3t,tDR.

7
T=—-%t

2
x=2+4¢

C.A:y=%—&JDR.

_7
7=—
2

x=2-4¢
y=1+8¢,tR.
z=-7

x=2-4¢

1
Hy=—+8¢,tOR.
Y 2

7=——
2

Cau 14: Trong khdng gian & hé toa d6 Oxyz, cho diém A(1;2;1) va duong thing

A XF2_yol o+l

1 2
5\/_

A. d(A, A)——.

B. d(A.A)=

C. d(A, A)——

. Tinh khang cachi diém A dén duong thing A .

N 5vs

D. d(A, A)——

Cau 15: Trong khong gian & h¢ toa dd Oxyz, chodiémD(-2:1;2). Phrong trinhduong thing A di

guaD va song songdi truc Oz la.

x=—2+t x=2
A A:sy=1 JtOR. B.A:xy= ,tOR.
7=2+¢ z=2+t
x=-2 x=-2
C.A:sy=1+¢,t0R. D.A:sy=1 ,tOR
=2+t =2+t
-1_y+1_z R
Cau 16: Trong khdng gian & hé toa d0 Oxyz, —T——l va
x=3-¢
d :{y=2t ,tOR.Tim giaodiém M néu cé @adva d’.
z=—1+¢
A. M(3:0;-1). B. Khong co giaatiém. C. M(-1;0:3). D. M(0:-1:3).

Cau 17: Trong khbng gian

toa d0 Oxyz, cho & dién ABCDVGi

A(0:0:2),B(3;0:5),C(1;1;0).D(4:1;2). Viét phrong trinh tham & cia dudng cao i dign ABCD ha tir

D
x=4-t¢ x=4-3t
A Jy=1+¢,t0OR.
7=2+t¢ z=2-3t

Cau 18: Trong khoéng
d_x—l_y_z—3d_x_y—1

—%. Khang dinh nao dei day ladang ?

12 3 72 2 4

A. d.d,tring nhau.  B. d,,d, cit nhau.

B.ly=1+9 /0R.

Chuyéndé 6. Phrong phap toa dé trong

x=4+¢ x=4-3¢

C.3y=1-¢,tdR.

D.{y=1+9¢,:0OR.

=2+t 7=2+3t

toa d0 Oxyz, cho hai duong thing

C. d,.d,chéonhau. D.d ,d, song song.
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x=1+2¢
Cau 19: Trong khéng gian & hé toa dd6 Oxyz, choduong thingd :{y =2+4¢,:0R va mit phing
=3+t
(a):x=y+22+5=0. Khingdinh nao saday lading ?
A. d song song & mat phing (a). B. d nam trong mit phing (a).
C. d cat mat phang (o). D. d vuéng goc ¥i mt phing (a).
X =-3+2¢1
Cau 20: Trong khdng gian & hé toadd Oxyz. Tinh khaing cach dgia duong thing A:{y=-1+3t va
z=-1+2¢
mét phing (o) : 2x =2y +z+3=0.
2[ 25 2 2
Ld(A) = d(B.(@)) == C. d(n.(@) =< D. d(A. ()= 5
x=1+2t
Cau 21:Trong khong gian&i hé toadd Oxyz. Tinh khaing cach dgia haiduong thing A:{y =-1-¢ va
z=1
A,.x—2zy+2 z—3
— . .
A d(an)= 3f. B.d(A,A’):ﬁ. C.d(A,A’):ﬁ. D.d(A,A’):ﬁ.
6 2 2

Cau 22: Trong khong gian i h¢ toadd Oxyz. Tinh khaing cach i diém M (1;-1;1) dén dudng thing

x=2+t
A:ly=3t tOR.
z=1+¢
A.d(M,A)zE. B.d(M,A)=@. C.d(M,A):@. D. d(MA)—i.
11 11 11

Cau 23: Trong khong gian & hé toado Oxyz, chodiém A(10;2) vadusng thing d: Xll—l— z+1

1 2
Viét phrong trinhduong thing A di quaA, vudng goéc vait d.

A. A X_]':_y_ X~ 2 BAX__l:_y:X;Z
1 -3 1 1 1 -1
C. A X_].:l/:X;Z. D. A X__lzl/:x;z_

1
Cau 24: Trong khong gian & h¢ toa dd Oxyz, cho haidiém A(1;2:3),B(-1;2:-3)va duong thing

x=1+¢
A:{y=2+r . Tim trénduong thing A diém M sao cho(ﬂ+m dat gia ti nho nhat.
z=-1+t¢
A M(2:1:1). B. M(1;2:-1). C. M(-1:2;-1). D. M(1;2:1).
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Cau 25: Trong khdng gian i hé toadd Oxyz, choduong thing A = _T_l =5 Xacdinh ado diém
M trén tuc hoanh sao cho khng cach M d¢én A bing OM.
A. M(1;0:0) hoic M(-2;0:0). B. M(~1;0:0) haic M (2:0;0).
C. M (-1:0;0) haic M (4;0:0). D. M (-2;0:0) haic M (2:0;0).
x=2+t
Cau 26: Trong khéng gian & hé toadd Oxyz, chodiém A(l;O;O)vadu(‘yng thing A:{y=1+2¢,r0R.
z=1
Tim toadd diém H 1a hinh chéu vuéng géc tadiém A trénduong thing A.

A. H(3;o;—1). B. H 3;0;—1 . C.H 3;0;1 . D. H(3;o;1).
277 2 2772

Cau 27: Trong khong gian & hé toadd Oxyz. Choduong thing A:x =y =z Tim toa do diém M’ doi
Xung aia M(1;2;3) quaduong thing A.

A. M'(3;2;1). B. M'(3;1;2). C. M'(1;2;3). D. M’G;l;%].

Cau 28: Trong khéng gian & hé toa dd6 Oxyz, choduong thing d: le_y_”:il va mit phing

(O():x+2y+z—1 =0. Tim add giaodiém M caad va(a).

A M —l;g;z . B. M z;—l;—% . M 2;—l;—z .
333 3 3 3 33 3

Cau 29: Trong Kkhéng gian & hé toa d Oxyz, cho & dién ABCDVGI
A(o;o;z),B(3;0;5),C(1;1;0),D(4;1;2). Tim tpado hinh chéu H caaD trén mp(ABc).

H E;ﬁ;g . B. H ﬁﬁg C.H E;ﬁ;ﬁ . D.H ﬁ;2;E .
11 11 11 11711711 11 11 11 11 11 11

Cau 30: Trong khong gian & hé toa d6 Oxyz. Tinh khang cach dgia hai duong thing
A:x—l:y+3_z—4VaA,.x+2:y—l_z+1

2 1 =2 4 2 4
A. d(A,A’):—“386. B.d(nn) :ﬁ. C. d(a, A’)_—“386 D. d(n, A’)_—“683.
3 3 5 3
=442
Cau 31: Trong khéng gian & hé toa d6 Oxyz, cho phrong trinh tham & caa A:{y=3-37 ,t0OR.
z=1+2¢
Khing dinh nao saday lading ?
A. Puong thing A quadiém M(4-3-1)va c6 ndt vect phap tugn n=(2;-3;2) .
B. Budng thing A quadiém M (4;3;1)va c6 nt vect chi phrong a=(~2;3;-2) .
x=1+2¢
C. buong thing A quadiém M(4;3;1) va song songdi duong thing A’ :{y=-3¢ ./ OR.
z=3+2¢
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GV. Lw S Phap
. , + + +
D. buong thang A ¢6 phrong trinh chinhac la x2 4.2 33 = z21‘

Cau 32: Trong khong gian & hé toadd Oxyz, choduong thing A di quadiém M (2;0;-1) va c6 veat
chi pheong a=(4;-6;2). Phrong trinh tham & ciaA 1a.

X==-2+2t X=2+2t X=-4+2t X=-2+4t
A . Jy=-3t L tOR. B.y=-3t ,tOR. C.iy=-6-3t,tOR. D.qy=-6t , tOR.
z=1+t z=-1+t z=2+t z=1+2t

Cau 33: Trong khong gian &i hé toa dd Oxyz. Tinh khang cach & diém N(2;3;1) dén duong thing

x+2 _y-1_z+1

A .
1 2 -2
A. d(N,A):&. B.d(N,A)=ﬂ. C.d(N,A):ﬂ. D.d(N,A):M.
5 3 3 3
x =3+t
Cau 34: Trong khéng gian & hé toa d6 Oxyz, cho hai duong thing A:iy=t va
7=t

2 _y-l_z Xacdinh pado diém M thupc A sao cho khang cachi M dén A, bing 1.

T T T
A. M(1;1;4) hoic M (4;4:7). B. M(4:1:1) hoic M (7:4;4).
C. M(4:1:1) hoc M (4:7:7). D. M (1:4;1) haic M (4:7:4).

Cau 35: Trong khong gian & hé¢ toa d6 Oxyz. Tim a & hai duong thing sauday song song

X=5+t x=1+2¢
d:{y=at ,tORvad :{y=a+4/,/0OR.
z=2-t z=2-2¢
A. a=2. B. a=3. C.a=4. D.a=1.
X =t

Cau 36: Trong khong gian & hé toa d6 Oxyz, cho duong thing d:{y=8+4r va mit phing
z=3+2¢

(a) :x+y+z—-7=0. Lap phrong trinhd’ 1a hinh chéu vuéng goc gad trén mr(a) :

x=-3+4¢ x=4-4¢

A d :{y=5+t ,tOR. B.d :{y=1+¢t ,tOR.
z=1+¢ z=3-t
x=-2+4t x=-8+4¢

C.d :qy=5-5t ,tOR. D.d :{y=15-5¢,t0OR.
="t z=t1

90 khong gian — Hinh hpc giai tich
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Cau 37: Trong khong gian & hé toadd Oxyz, cho haiduong thing d, va d, 1an lugt 6 phrong trinh 1a

X=t
- + s . L g ; .
d:<y=-1-4r va dzzgzy—lzx 52. Viét pheong trinh chinh d&c aia duong thing d di qua

1
z7=6+6¢

M(l;—l;z) , vudng goéc ¥i d vad, .
x—1_y+1_z-2

x+l_y-1_2z+2

A. d . B. d: .
14 17 9 9 14 17

C.d:x_1=y+1=z_2. D.d:X+1=y_1=Z+2.
14 17 9 9 17 14

x-1_y-2_z-3

Cau 38: Trong khoéng gian & hé toa dd Oxyz, choduong thing d : . Phrong trinh
nao sautay ding la phrong trinh ¢ia d ?
x=3+4t x=1+¢ x =2t x =3+4¢
A Jy=1+2t,t0R. B.{y=2-¢,t0R. C.iy=1-¢,t0R. D.<y=1-2¢,t0R.
7=4-2t =3+t 7=2+t 7=4+2¢

Cau 39: Trong khong gian i h¢ toadd Oxyz, cho haidiém A(1:-2;3),B(3;0:0). Phrong trinhduong
thang A di qua haidiém A vaB la.

x=1+2¢ . 5 3
— + —
A A:ly=-2-2:10R. B.A:Y ~=2"2-%72
2 2 3
z=3+3¢
; x=3+2¢
+
c.A2=Y=-% D.A:ly=2t ,tOR.
2 27 3
z=3t

Cau 40: Trong khong gian&i hé toadd Oxyz, chod laduong thing di quadiém A(l; 2;3) va vubng goc
v6i mat phang (a) : 4x+ 3y— 7z+ 1= C. Phrong trinh tham & caad la.

x=-1+4t x=-1+8t X=1+4t X=1+3
A . Jy=-2+3tt0OR. B.Jy=-2+6t t0OR. C.qy=2+3 t0OR. D.<y=2-4t t0R.
z=-3-Tt z=-3-14t z=3-Tt z=3-Tt
x=1+2¢
Cau 41: Trong khong gian & hé toa do Oxyz, cho duong thingd:{y=2+4¢,t0R va mit
=3+t

phéng(a) :4x+8y+2z-7=0. Khingdinh nao saday lading ?

A. d cit mat phing (a). B. d nam trong nit phang (a).

C. d vudng goc i mat phing (0(). D. d song song & mit phing (0().
Cau 42: Trong khdng gian & hé toa dd6 Oxyz, cho mit phing (P): x- y— z-1=0 va dudng thing
d: X;Ll: y;lz 2_3 2 Vit phuong trinhduong thing A qua A(L,1,-2), vudng géc ¥i d va song song

véi (P).
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X-1_ y-1 z+2

X+l y+1 z+2

A A . B. A .
2 5 -3 2 5 -3
coaXt-yl_zt2 p.a Xty 2z
-3 2 5 2 5 -3
Cau 43: Trong khéng gian & hé toa d6 Oxyz. Tinh khang céach dgia hai duong thing
x=-1 x=1
d:qy=-1,t0R;d :{ y=1,t0R.
z=t z=t
A. 4. B. /2. C.2. D. 2J2.
Cau 44: Trong khong gian & hé toadd Oxyz. Lap phrong trinhdudng thing A nam trong nit phang
x=1-¢ x=2-1
(a):y+2z=0vadthaidusngthingd, :{y=r tOR vad,:{y=4+2¢ ¢/ OR.
z=4¢ z=4
x=1+7¢
A A:ly=-8+1,i0R. B A X8 _y-8_z+4
=4t 7 -8 4
x=-8+7t
coaXl-y_z D.A:ly=8-8 ,tOR.
7 -8 4
z7=—4+4¢
x=1+¢
Cau 45: Trong khdng gian & hé toa do Oxyz, chodiém M(1;2;4)Védu(‘7ng thing A:{y=2+¢ . Tim
z=1+2¢
diém H thupc duong thing A sao chatoan thing MH nho nhit.
A. H(2:3:3). B. H(3:2:3). C. H(332). D. H(3:3:3).
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§4. PHUONG TRINH M AT CAU

A. KIEN THUC CAN NAM

l. Phwong trinh mit cau
¢ Phrong trinh ndt ciu tam I(a;b;c) ban kintR cé ding: (x-a)*+(y-b)*+(z-c)’=R? (1)

¢ Phrong trinh dng: x*+y*+z*-2ax—2y— 2z+ d =0 (2) (Wi a®+b*+c*-d >0) la phrong trinh
mat cu (S) c6 tam/ (a;b;¢) va ban kinhR =+/a? +b?+c2-d

1. Vi tri twong d6i cia mat phang va mit cau

Cho (S): (x—a)’+(y-b)*+(z-c)*=r? va (a):Ax+By+Cz+D=0

Goi d =d(1,(P)) la khaing cachir tam| dén mp() :

vd>R : (Sn@)=4
¢+ d=R : (0)tiép xtc © tai H (H: tiép diém, (a): tiép dien)

¢ d<R : (a) cit (S theoduong tron c6 tanH 1a hinh chéu caal [&n @) va ban kintr =+ R? —=d?
lll. Cac dang toan
1. Lap phwong trinh mit ciu:
Phuong phap lap phuong trinh mit cau:
Céach 1: (Xadinh yéu tb: Tam va ban kinh, nhbang dréi day)
B1) T gia thiét, xacdinh cAc veat va cac $u t6 khac lién quan @u cin)
B2) X&cdinh tado tam va ban kinhi@ mit cau

B3) Thay vao PT (1),
Dang Tinh clat caa mit cau (gia thiét cho) Tam Ban kinh
1 | Mat cau (S tdml di quaA I R=IA
2 | Mit cu (S) duong kinhAB | Ia trungdiém AB R =%
3 | Mit cau (S taml tiép xac mpg) I R= d(I,(O’))
4 | Mt cau (S) tam | va fip xtcduong thing A I R= d(I,A)

Céach 2 : (Xac dinh hé sd)

B1) Goi mit cau (S) ¢ phrong trinh: x* + y*+ z?—2ax—- 2by - Zz+ d = 0, (2)

B2) Tir gia thiét lap hé 4 phuong trinh gdm céc 4n a, b, ¢, d . Giai hé dé, tim a, b, ¢, d

B3) Thay vao phuong trinh (2) 7

Dang 5 Mat cau (S) ngaai tiep tir dién ABCD (hay di qua 4 diém A, B, C, D)

+ Goi phuong trinh nit ciu (S) c6 dng: x>+ y?+z°—2ax—2by— Xz+ d = 0(2)
+A,B,C,DO(9 = toadd 3diém A, B, C, D thoa mén (2).

¢+ Giai hé tima, b, c, d

Dang 6 Mit cau (S) di qua 3 diém A, B, C va taml O (o)

¢ Goi phuong trinh nit ciu (S) c6 caing: x* + y?+z?—2ax- 2oy - Xz+ d = 0(2) = tam I@, b, ¢)
*A B, C (9 = toadd 3diém A, B, C thoa méan PT(2) va tani (a; bic) O(a)

+ Giai h¢ 4 phrong trinh trén ting, b, ¢, d

Dang 7: Mt ciu (S) di qua 2 diém A, Bvataml O (d)

Cach 1: Neu duong thang (d) cho boi phuong trinh chinh tac:

+ Goi phuong trinh nit ciu (S) c6 cing: x* + y?+ z>—2ax— 2by - 2z+ d = 0(2) = tam I(a;b;c)

* A BO (9 = toadd diém A, B théa man (2) va tani (a; bic) 0(d)
+ Giai h¢ 4 phrong trinh trén tima, b, ¢, d
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Céch 2: Néu duong thang (d) cho boi phuong trinh tham sd
«10(d)= 1 (% +at Y, +at; z,+at)
¢ ABUO(S) « Al?=BI2. Taduoc phuong trinh 4n t, giai tim t, tim duoc toado diém |
2. Phwrong trinh ti ép dién (a) cia mat cau:
Dang 1 Mit phing (@) tiép xGc mit ciu (S) tai A= mp(@) quaA va co vtptn = 1A
Dang 2 Mit phing (@) tiép xtc ©) va vudng godudng thing A (c6 vicp a=(a;a,;a,))
¢ Mat phing @) vubng goc A = mp(e) nhin a=(a;a,a,)lam vipt =PT mpg) c6
dang:ax+ay+az+m=0 (mchra biét)
+ Mat phing (@) tiép xtc ©) = d(I,(a)) =R
Dang 3 Mit phing (@) tiép xdc ©) va song song véi mp(B) (c6 vtpt n=(A B;C))
+ Mt phing @) song song ) = mp(a) nhan n=(AB;C)lam vtpt =PT mpf) c6 dng:
Ax+By+Cz+D =0 (D chra biét)
+ Mit phing (@) tiép xuc (S) = d(I,(a)) =R . TimduocD
Dang 4 Mit phing (@) tiép xtc ©) va song song &uong thing (ds), (da) :
+ Mit phing (@) song song Zuong thing (dy) va () = VTPT adia mpg) la n= [5;5,:}
= PT mp) c6 chng: Ax+By+Cz+D =0 (D chua bit)

+ Mit phing (@) tiép xuc (S) < d(I,(a)) =R . TimduocD
3. Tim tiép diém H cia mit cau (S) va mp(@a) (Khi d6 H 1a hinh chéu aia taml trén mp¢))
Céch 1.H la hinh chéu ciaM trénmp(a) : Ax+By+Cz+D =0

) HO®@) AxH+ByH+CZH+D:0 o
Tacéiqs— — o xH_xszH_yM:ZH_ZM:tQadodlemH.
A B C
Céch 2. Vit pheong trinhduong thing d) quaM va vuéng géc mp() = Toadd H la nghém caa kg
phuong tr‘lph @m phrong trjnh @a (d) vz“a ¢)
4. Giaodiém cia dwong thang va mit cau:

X =x +at
Choduong thing d :{y =y, +a,t (1) va mit cu (S): (x-a)"+(y-b)*+(z-c)’=R? (2)
z=7 +af

+ Thay phrong trinhduong thingd (1) vao plrong trinh it cau (2), gii timt,
¢+ Thayt vao (1), timdugc toado giaodiem
5. Tim ban kinhr va tamH cia dwong tron (C) (vai (C) 1a thiét dién cia mp@) va mit ciu (9))
s Ban kinh r =\/R?=d?(l,a) (véi | la tam vaR 1a ban kinh nit cau (S))

+ Tim tdmH la hinh chéu vuéng géc ga taml trén mp()

MH ,n cung phuong
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B. BAl TAP TRAC NGHIEM

Cau 1: Trong khong gian & hé toa dd Oxyz, cho mit cau (S): x*+y* +z° —8x—2y+1=0. Xacdinh
tam| va ban kintR caa mit cau (S).

A. I(4:1,0).R=2. B. 1(4:1:0).R =4. C. 1(1;0:4).R=2. D. I(0;1:4).R=4.
Cau 2: Trong khong gian i he toadd Oxyz, cho mit cu () c6 tam7(1;2;3) va tiép xdc i mp(Oyz).
Phrong trinh nit cau (S la.

A (x-1) +(y-2) +(z-3) =1. B. (x-1) +(y-2) +(z-3) =100.

C. (x+1)2 +(y+2)2 +(z+3)2 =1. D. (x+1)2 +(y+2)2 +(z+3)2 =14.
Cau 3: Trong khong gian & hé toa do Oxyz, cho mit cu (S c6 tam 1(2;11) va mit phing

(P):2x+y+2z+ 2= 0. Biét mat phing (P) cit mit ciu (S) theo giao tugn la mdt duong tron cé ban
kinh bing 1. Viét pheong trinh éia mit cau (S).

A (x=2) +(y=1) +(z-1) =8 B. (x+2) +(y+1) +(z+1) =8.
C. (x+2) +(y+1) +(z+1) =10, D. (x=2) +(y-1) +(z-1) =10
Cau 4: Trong khong gian & h¢ toado Oxyz, cho bn diém A(1:0;0),B(0:-2:0),C(0;0:4) va dc toa
d6 O. Phrong trinh nit ciu (S) di qua bbn diém A B,C,O la.

A X +y +77 —x+2y—-4z=0. B. X’ +y  +7° +x—2y+4z=0.

C. x> +y* +72—x+2y-4z+4=0. D. x> +y*+7" —x+2y—-4z+16=0.
Cau 5: Trong khong gian éi h¢ toadd Oxyz, cho mit ciu (S di qua haidiém A(3;-1;2),B(1;1;-2) va
c6 tam @m trén tuc Oz. Phrong trinh nat ciu (S) la.

A. x2+y2+(z—1)2=11. B. x*+y*+z°-2y-10=0.

C. x*+y*+72+2z-10=0. D. x2+(y—1)2+z2=9.
Cau 6: Trong khong gian & hé toa dd Oxyz, cho mit ciu (S):x* +y>+z2 =2x+2y+1=0 vadiém
M (0:~1;0). Viét phuong trinh nit phing (P) tiép xdc \6i (S)tai M.

A. x=0. B.2x+y-z+1=0. C.x+y+z+1=0 D. x-y-2z-1=0.
Cau 7: Trong khdng gian & hé toa ddo Oxyz, cho ©) 1a mit cau tam | (2;1,-1) va tép xuc Wi mat
phing (a) c6 phrong trinh 2x - 2y - z+ 3= 0. Phrong trinh nit ciu (S la.

A (x=2)*+(y-1)+(z+1)%= 4, B. (x+2)2+(y+1)2+(z—1)2:g.

. (x-z)2+(y-1)2+(z+:)2:g. D. (x+2) +(y+1)°+(z-17= 4
Cau 8: Trong khong gian & hé toa d0 Oxyz, cho mit ciu (5 di qua ba diém
A(1:2:-4),B(1;-3:1),€(2:2:3) va c6 tam dm trén nit phing (Oxy) . Phrong trinh it ciu (S) la.

A x> +y 2 +4x=-2y+21=0. B. (x+2) +(y-1) +22 =26.

C. x+y +7 —4x+2y-21=0. D. (x+2) +(y-1) +22 =0.
Cau 9: Trong khoéng gian & hé toa d6 Oxyz, cho mit phing (a):4x+3y—-2z+1=0 va diém
I(O; —2;1). Tim ban kintR caa hinh éu taml tiép xdc \6i (a).
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A. R=20. B.R= C.R= D.R=

S‘w
NS}
ﬁ‘\]
V=)

5
NS
Cau 10: Trong khéng gian & hé toa 6 Oxyz, cho Bn diém A(l;l;l),B(l 2; 1) C
Phrong trinh mit cau () di qua Bndiém A B,C,D la.
A x*+y +77+3x+3y+3z+6=0. B.xX’+y’ +z7—x—-y—z+1=0.
C. x*+y +7°+3x+3y+3z-6=0. D. x*+y*+7°-3x-3y-3z+6=0.

—_——

151 2),0(2;2;1).

Cau 11:Trong khong gian&i hé toadd Oxyz, cho it ciu (S) co tam ladiém C(4; —4;2) vadi qua gc
toadd. Phrong trinh nit ciu (S la.

A x*+y +77 -8x+8y—4z=10. B. (36—4)2 +(y+4)2 +(z—2)2 =6.

C. (x+4) +(yv-4) +(z+2) =36. D. (x—4) +(y+4) +(z-2) =36.
Cau 12: Trong khéng gian & hé toa do Oxyz, cho mit ciu (9§ di qua ba diém
A(0:8:0),B(4:6;2),C(0:12;4) va c6 tam &m trén ngt phing (Oyz). Phrong trinh nit ciu (S) la.

A X +y +77-Ty—57+48=0. B. x*+y*+z°—14y—10z+18 = 0.

C. x*+y*+72 -14y-10z+48 =0. D. x> +y*+z2 +14y+10z+28 =0.
Céu 13: Trong khong gian & hé teadd Oxyz, cho mit CAU (S):x* +y* +2 +4x—2y+62+5=0. Xa&c
dinh taml va ban kintR caa mat cau (S).

A I(-21-3),R=9. B.I(2-13),R=3. C.I(-21-3),R=3. D.I(%L3),R=3.
Cau 14: Trong khong gian & hé toa do Oxyz, cho mit ciu (S quadiém M (5;-2:1) va co tam
J(3:-3:1). Phrong trinh ngt cu (9 la.

A X +y +77+6x—-6y+2z+14=0. B. x> +y*+7° —6x+6y-2z+14=0.

C. (x+3) +(y=3) +(z+1) =5. D. (x=3) +(y+3) +(z-1) =25.
Cau 15: Trong khong gian & hé toaQG Oxyz, cho mit ciu (S):3x% +3y> +322 —6x -3y +15z-2=0.
Xacdinh taml va ban kintR caa mit cau (S).

A. 1(; jR J6. B. 1(1;%;—%},13:%.
< I[ 2’ 2} 7\[ > I(l;; 2} R_%

Cau 16: Trong khdng gian & hé toa do Oxyz, cho ©) 1a mat cau tam | (2;1,-1) va tép xdc Wi mat
phing (a) c6 phrong trinh 2x - 2y —z+ 3= 0. Ban kinhR caa (S) la.

A. RZE. B. R=2. C. R:g. D. RZE.

3 9 3

Cau 17: Trong khdng gian& hé toadd Oxyz, cho Bndiém A(L0;0) B(0;5Q C( O;0LD(- 2% ).
Phrong trinh miit cau (S) c6 tAmA va tiép xtc i mat phing (BCD) a.

A (x-1) +(y-1) +(z-1) =1. B. x> +y* +(z-1) =1.

C. (x—1)2+y2+z2=1. D. x2+(y—1)2+zz=1.

Cau 18: Trong khong gian & hé toa ddo Oxyz, cho mit cau (S) c6 témI(S; —3;7) va ban kinhrR =2.
Phrong trinh mit cau (9 la.
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A (x+5) +(y-3) +(z+7) =4 B. (x+5) +(y-3) +(z+7) =2.

C.(x=5) +(y+3) +(z-7) =4. D. (x=5) +(y+3) +(z-7) =2.
Cau 19: Trong khéng gian & hé toa do Oxyz, cho mit ciu (S c6 duong kinh AB Vi
A(4:-3:7).B(2:1:3) . Phrong trinh mit ciu (S la.

A x?+y +72—6x+2y—107+26=0. B. (x+3) +(y-1) +(z+5) =3.

C. (x—3)2+(y+1)2+(z—5)2 =4, D. x> +y> +7° +6x -2y +10z+26 = 0.
Cau 20: Trong khéng gian & hé toa d6 Oxyz. Lap phrong trinh mit ciu (S) di qua badiém
A(1:2:-4),B(1;-3:1),€(2:2:3) va c6 tam ém trén nit phing (Oxy).

A X +y +77 +4y-27-21=0. B. x> +y’ +7° +4x-2y-21=0.

C. x*+y +77 +4x-2z-21=0. D. x> +y*+72+2x—-y—-21=0.
Cau 21: Trong khéng gian & hé toa d6 Oxyz, cho diém A(O;O;—z)va duong thing
x+2 _y-2 _z+3

A : 3 . Viét pheong trinh nit ciu(S) c6 tam A, cit A tai hai diém B,C sao cho
AB =8.

A. x2+(y+2)2+Z2:25. B. X2+y2+(z+2)2:25_

C. (x+2)2 +y2 +72 =25. D. (x—l)2 +(y+1)2 +(Z+2)2 =95.

Cau 22: Trong khéng gian & hé toa dd Oxyz, cho nit ciu (S):3x> +3y* +3z° —6x +8y +15z-3=0.
Xacdinh taml va ban kintR caa mit ciu (S).

4 5 4 5 19

A Il l;——;—=|,R=+19. B./1|l,—;—— |, R=—.
( 3 2) 1o ( 3 2} 6

C. I l;i;é ,Rzg. D.1I 1;_i;_§ ,R:E.
32 6 32 9

Cau 23: Trong khdng gian & hé toa dd Oxyz, cho Bn diém A(L0;0),B(0;19 €( 0;0;L D( L)
M3t ciu ngaii tiép tr dién ABCD c6 ban kiniR Ia.

A. R=43. B. R=+/2. c. r=Y3 D. R=3

2 4

Cau 24: Trong khoéng gian &i hé toado Oxyz, cho it cau (S):x*+y?+z?-2x+4y+2z+ 3= 0 Tim
tam| va ban kiniR cia mat cau (S).

A 1(L-2-) R=3. B.I(-L2) R=3 C.I(L-2-1),R=+/3 D.I1(-12) R=+3
Cau 25: Trong khong gian & hé toa dd Oxyz, cho mit phing (P):3x-4z-1=0. Mt cau nao trong
cac niit ciu sauday cit mat phing (P)?

A 2 +(y+1) +(z-3) =1 B. (x+3) +(y+1) +2 =1.

C. (x=1) +(y-3) +(z-1) =1. D. (x=1) +(y-3) +2 =1.
Cau 26: Trong khong gian & hé toa dd Oxyz, cho mit cau (S) c6 ban kinhR =2, tiép xic \6i mit
phang (Oyz) va cO tam am trén toc Ox . Phrong trinh nit cau (S) la.

A (x-2) +y*+2 =4, B. (x+2) +y*+2 =4.
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C. (x—2)2+y2+z2:16. D. x2+y2+(z—2)2:4.
Cau 27: Trong khéng gian & hé toa do Oxyz. Lap phrong trinh mit ciu di qua ba diém
A(2:0:1),B(1:0:0),C(1:1:1) va co tam &m trén ngt phang (a):x+y+z-2=0.

A x*+y +77-2x-2y+1=0. B. x> +y*+7°—2y—-2z+1=0.

C. x> +y*+7°-2x-2y-2z+1=0. D. x> +y* +77-2x—-2z+1=0.
Cau 28: Trong khdng gian & hé toa d Oxyz, cho mit ciu (S):(x+1)2 +(y—2)2 +(z—1)2 =9. Xac
dinh taml va ban kintR caa mit cau (S).

A I(-12:1),R=9.  B.I(-2-1),R=3. C.I(-L21),R=3.  D.I(L-2-1),R=9.
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ON TAP CHUYEN PE 6

X=1+t
Cau 1: Trong khéng gian & hé toa d6 Oxyz, cho haiduong thing d,:iy=2+t,t0OR va
z=3-t
x=1+2
d,:{y=-1+2t' t' OR. Khangdinh nao sadayding ?
z=2-2
A. d,//d,. B. d,,d,cat nhau. C. d,,d, trang nhau. D. d,,d, chéo nhau.

Cau 2: Trong khdng gian i hé toado Oxyz, cho hai veat u=(1,0;2) vav=(0;-11). Trong cac veet

sau, veat ndo cling phiong \Gi [G,\?} ?

A b=(11]) B.d=(2,2-1). C.c=(0;1-1). D. a=(-2,11).
Cau 3: Trong khong gian éi hé toadd Oxyz. Tim bado diém A’ ddi xing Wi diém A(L-2;-5) qua
X=1+2t
duong thing A c6 phrong trinh:{ y=-1-t tOR.
z=2t
A. N (132). B. A'(3-21). C. A(12-3. D. A(-3,2]).

Cau 4: Trong khong gian & hé toadd Oxyz, cho (a)1a mat phang di quadiém A(1;2;3 va song song
véi mat phing (B): x—4y+z+12= 0. Phuong trinh nao saday 1a phrong trinh @a mit phang (a) ?

A. x-4y+z+3=0. B.x-4y+z-12=0 C. x-4y+z+4=0. D.x-4y+z-4=0.
Cau 5: Trong khong gian & h¢ toadd Oxyz, cho hinh cit nhat c6 haidinh A(-2;3;0) ,B( 2;3;Q va mot

canh rim trén tp Ox. Khéi tron xoay sinh bi hinh chir nhat ¢6 khi quay quanh trOy co tte tich Ia.

A. 127. B. 1217, C. 6rm. D. 4?”

Cau 6: Trong khong gian & hé toa do Oxyz, cho diém A(0;0;-2) va dudng thing

X+2 _y-2_z+3

A 5 Viét phurong trinh it ciu tamA, cit A tai hai diém B, C sao choBC =8.

2 3
A XP+y*+(z+2)" =9. B. x*+y?+(z+2)" =16.
C. x2+y?+(z+2)" =36. D. x2+y?+(z+2)" = 25.

Cau 7: Trong khong gian & hé toa d6 Oxyz, Cho diém M(L-23 va mit
phang(P):2x+y+z-7=0. Goi M'ladiém dbi xing a1a M qua niit phang (P). Viét phueong trinh nit
cau codudong kinh MM/,

7Y A 11" 8 7Y 4)? 11\* 5
A X—=| +ly+=| +Z-—| =—. B.| Xx+—=| +|y——=| | z+—| =—.
3 3 3 3 3 3 3 8

2 2 2 2 2 2
o[ (e ooy o
3 3 3 3 3 3 3

Cau 8: Trong khong gian & hé toa dd Oxyz, cho nit phing (P) chra tuc Oz va diém A(2;-3;5).

Phrong trinh niit phing () la.
A. 2x-3y=0. B. 2x+3y=0. C.3x+2y=0. D. 3x-2y+z=0.
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Cau 9: Trong khong gian&i hé toado Oxyz, cho‘ﬁ‘ M ( ) — . Do dai vecty [u,\?] bang.

A.5. B. 5V3. C. 10. D. 8.
Cau 10: Trong khdng gian & hé toadd Oxyz, cho mit phang (P) : 3x + 4y + 5z + 8= Cvaduodng thing d
la giao tugn cia hai mit phang (a):x-2y+1=0 va (£):x-2z-3=0. Tim ¢ la goc gira duong
thangd va mp(P) .

A. ¢ =90". B. ¢ =60°. C. ¢ =30". D. ¢ =45,
Cau 11: Trong khéng gian & hé toa do Oxyz, cho cac nit phang (P):x+2y+3z+4=0 va
(R,):3x+2y—z+1= 0. Viét phuong trinh nit phing (P) di quadiém A(LL1), vudng goc ¥i hai mat
phing (R) va (R).

A. 4x+5y+22-3=0 B. 4x-5y+22-1=0 C. 2x-3y+22-5=0 D. 4x-5y-z+1=0.
Cau 12: Trong khéng gian & hé toa d6 Oxyz, cho duong thing d: le—%——z va hai diém
A(2;1,0) ,B(-2;3;2. Viét phuong trinh mit ciu di quaA, B va c6 tam théic duong thing d.

A. (x+1)"+(y-1)°+(z+2)°=18 B. (x-1)" +(y+1)°+(z-2"=16

C. (x-1)"+(y-1’+(z+2)°=19 D. (x+1)° +(y+1)°+(z-2)°=17

X=3+4
Cau 13: Trong khéng gian & hé toa d6 Oxyz, choduong thing d:{y=-1-t,tOR va mit phing
z=4+2

(P): x+2y-z+3= 0. Trong cac rénh dé sau, nénh d& naoding ?

A.d song song &i (P). B.dvudng géc i (P). C.d cit (P). D. d nim trén ).
Cau 14: Trong khong gian &i hé toado Oxyz, cho mit ciu (S): X +y?+(z—2)" =1va hai nit phing
(P):3x+4z-12=0, (Q):3x+12y+4z-12=0.Mit phing cit mat ciu (S theo ndt duong tron c6 ban

kinh r=> la.
5 2
A. mp(Q). B. Khdng c6 nat phang nao.
C. mp(P). D. mp(P)va mp(Q).
Cau 15: Trong khéng gian & hé toa do Oxyz, cho haidudng thing dl:X_lz—)le 1 va
d, :llzy—l_l——2 Viét phuong trinhduong thingd qua A(6;1,-4) va cit haiduong thing d,, d,.
A d:XT2=Y"3.2 B.d: X" 2=y*z_z*1
-4 2 4 -4 2 4
C.d l:y__l_z DdX;Z:X:Z__l
-4 2 1 -4 2 4

Cau 16: Trong khéng gian & hé toa do Oxyz, cho mit phing (P):4x+y-2= 0. Puong thing nao
trong caaluong thing sau vuéng gocdv mit phang (P)?

X=1+4
A AXT3_y*l_z B.A:ly=2+t tOR.
4 1 2 .
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x=1-4
C.A:ly=2+t tOR. D.a-Xl_y*l_z-2
o 2 -1 1

Cau 17: Trong khong gian & hé toa d6 Oxyz, cho diém A(0;-L3) va dudng thing
Xx=1+2
d:{y=2 tOR.Khoang cachi diém A dén duong thingd bang.

z=-t
A. /6. B. /3. C. V14. D. /8.
Xx=1+2t
Cau 18: Trong khong gian & hé toa d0 Oxyz, cho haiduong thing d:{y=-1-t tOR va
z=1
d’: x—12 = y12: 2_13. Khaoang cach grad va d’la.
A g. B. v/2. C. @. D. %.

Cau 19: Trong khéng gian & hé toadd Oxyz. Tim mbt vect chi phuong aia giao tugn hai mit phing
(P):3x+2y-z-1=0va(Q):x+4y-3z+2=0.

A u=(L-4;-5). B. u=(-L-45). C.u=(L45). D. u=(541).
Cau 20: Trong khong gian & hé toa d6 Oxyz. Khoang cach & diém M (2;0;1) dén duong thing
;X__:L:X:Z;Z la.
1 2 1
A d(M,d)=v12.  B.d(M,d)=v2. C.d(M,d)=+3. D. d(M,d)=2/6.

Cau 21: Trong khong gian & hé¢ toa d6 Oxyz, cho hai diém A(L-21) B(2L3 va
(P):x—y+2z-3= 0. Viét phuong trinhdudng thing AB va tim giaodiém M caa dudng thing AB Vi
mit phing (P).

A AB:XT1-Y*2_ Z_l, M (0;5;-1) B. AB:X1-Y~2_ Z_l, M (0;-5;) .
1 2 3 1 3 2

c.ag:X1=¥r2_z71 \o-5-1). p oA Xt=¥YF2o271 10
1 3 2 2 1 2

X-2_y+2_2z-3

Cau 22: Trong khdng gian & hé toa do Oxyz, cho haiduong thing d, : . 1 va
x=1-t

d,:{y=1+2 tOR vadiém A(L2;3 . buong thing A di quaA, vudng goc i d,va cit d, co
z=-1+t

phuong trinh la.

Xx+1_y+2_z+3 x-1_y-2_2z-3

A. B. .
1 -3 -5 -1 -3 -5
C. x—1:y—2:z—3. D. x—1:y—2:z—3.
1 3 5 1 -3 -5
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Cau 23: Trong khéng gian & hé toa do Oxyz, cho mit phang (P):x-2y+2z-1= 0 va haiduong

thang A, : Xilz%: 229, A,: X;1: y13: Z+21. Xac dinh tpa do diém M thuoc A, sao cho khing
cach fr M dén A,va khaing cachit M dén (P) bang nhau.
A. M (0;1,-3) haoic M (@E%_sj B. M (0;1;3) haic M (EE”E)
35 35 35 35 35 35
C. M(0;5-3 haic M (3;5—3;5‘) D. M (113 haic M (i;i;—SJ.
35 35 35 35 35 35

Cau 24: Trong khdng gian & hé toadd Oxyz, cho mit phang (a):3x-2y-z+ 5= 0 vadudng thing
X;1= y;? = 2_33. Goi () 1a mit phing chra A va song songdi (). Khaing cach dia (a) va
(B) la.

d((a),w)):l%. B.d((a),(ﬁ)):l%. L d((@).(8)) = ﬂ D. d((@),(8) =—

A

SE

><
=

y_

Cau 25: Trong khong gian & h¢ toadd Oxyz, cho diém A(L2;3) vaduong thing d 3 z+3.

Phrong trinh niit phéng (A, d) la.

A 23%+17y-z+14= 0 B. 23x+17y+z-60= 0

C.23%x-17y-z+14= 0 D. 23x-17y+z-14= 0
Cau 26: Trong khong gian i h¢ toadd Oxyz, cho tam gia@BC vsi A(L0;1) ,B(0;2,3 C( 21]. Do
dai duong caoh cua tam giac ktir C la.

A. hzg. B. h=4/26. C. h:@. D. h=26.
Cau 27: Trong khong gian & hé toa dd Oxyz. Viét pheong trinh nit phing (P) tiép xic Wi mat ciu
X=-5+2
(9): X +y?+Z°-10x+ ¥+ 2&+ 17G= | va song song & hai duong thing d:{y=1-3 tOR,
z=-13+2
x=-7+3
d:{y=-1-2' t' OR.
z=8
A. 4x+6y+ 52+ 51+ 5/ 77= C B. 4x+6y+5z+51- 5/ 77= O
C. 4x+6y+ 52+ 51+ 5/ 77= C D. 4x+6y+5z+ 51 5/ 77= C
Cau 28: Trong khodng gian & hé toa dd Oxyz. Viét phuong trinh nit phing quaM(O;O;—l) va song
x =143t
song Vi hai duong thangd T=y—_22=z—;3,d2: y=2 ,tOR.
z=-1+5¢
A. 5x-2y-3z-21=0. B. 5x-2y-3z-3=0.
C.5x-2y-3z+3=0. D. 5x-2y-3z+21=0.

Cau 29: Trong khong gian & hé toa d6 Oxyz, cho mit phing (P):2x—2y-z-4= 0 va mit ciu
(S): x*+y?+2z2-2x-4y-6z-11= C. Biét mat phing (P) cit mat cau (S) theo ndt duong tron. Xac
dinh tpa dd tam va ban kinhi@ duong trondo.
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A. Tam H (1,0;2), ban kinhr =4, B. Tam H (3;0;2), ban kinhr =5.
C.Tam H (3;0;2), ban kinhr =4. D. Tam H (2;1,2), ban kinhr =3,
Cau 30: Trong khong gian & hé toa dd Oxyz, chodudng thing d : x-1_ y_J;l: 211. Viét pheong
trinh mit ciu tam | (1;2,-3) va dit d tai hai diém A, B sao choAB =/26.
A. (x-1)"+(y-2)"+(z+3" =25 B. (x-1)*+(y-2)"+(z-3"= 49
C. (x+1)"+(y+2)°+(z-3"= 169 D. (x+1)° +(y+2)°+(z+3 =81
Xx=-1+3
Cau 31: Trong khéng gian & hé toa d6 Oxyz, cho haiduong thing d:{y=1+2t tOR va
z=3-2
x=t'
d' :{y=1+t" t'OR. Viét pheong trinh mit phing chrad va d’ .
z=-3+2
A. 6x-8y+z+11=0 B.6x-8y+z-13=0 C.6x+8y-z+11=0 D. 6x-8y+z+13=0.
Cau 32: Trong khong gian i hé toadd Oxyz, chodudng thing A:g =y—1_1=52. Xacdinh diém M trén
truc hoanh sao cho khog cachi M dén A bang OM.
A. M (=1;,0;0) haic M (0;2;0). B. M (~1,0;0) hoic M (2;0;0) .
C. M (10;0) haic M (2;0;0). D. M(2;3,0) haic M (12;0).
Cau 33: Trong khong gian & hé toa dd Oxyz, choduong thing d: x-1_ y;1: 2:32 va mit phang

(@):x+y+2z-4=0. Trong cac rénhdé dé dudi day, ménhdé naoding ?

A. d/l(a). B.dO(a). C.d0O(a). D. d cit (a).
Cau 34: Trong khong gian & hé toa ddo Oxyz, cho n diém A(-1-2;4) B(-4-2;0 C( 3+ 2l va
D(L11). Do daiduong caoh cia tir dign ABCD ke tir dinh D la.

A. h:%. B. h=5. C. h=2. D. h=3.
Cau 35: Trong khong gian i hé toadd Oxyz, cho mit phing (&) di qua haidiem A(4;-11) B(31- 1)
va chira tru Ox. Phrong trinh nao saday la phrong trinh 6ng quéat aa mit phing (a) ?

A. x+y=0. B. x+z=0. C.y+z=0. D. x+y+z=0.
Cau 36: Trong khong gian i hé toado Oxyz, cho badiém A(L2;0) ,B(10-3 C( 0+ L 2. Tam giac
ABC la:

A. Khéng phii nhu cacdap anda cho. B. Tam giac camtinh A.

C. Tam giac vudnginh A. D. Tam giacdéu.
X=7 _ y—3: z-9 v

2 -1

Cau 37: Trong khdng gian & hé toa do Oxyz, cho haiduong thing d, : a

X=-3_y-1_2z-1

7 2
x—7:y—3:z—9' B. x—7:y—3:z—9“
2 -1 4 2 1 4

d,

. Phrong trinhduong vuéng goc chungie d, va d, la.

A.
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X=7_y-3_z-9 Xx-3_y-1_z-1

C. : D. = :
-2 1 -4 -1 2 -4
X=2t
Cau 38: Trong khong gian & hé toa d6 Oxyz, choduong thing d:Jy=1-t tOR. Phrong trinh nao
Z=2+t
sauday ding 1a phrong trinh déia duong thingd ?
X=4-2 X=2-2 X=4+2 X=2t
A Jy=-1+tt0OR. B.<y=-t ,tOR. C.iy=1-t ,tOR. D.qy=1+t t0R.
z=4-t Z=3+t Z=4+t z=2+t
Cau 39: Trong khong gian & hé toa dd Oxyz, cho duong thing A: le—%)’—%va mit phang

(P):2x-y+2z=0. Viét pheong trinh mit ciu c6 tdm thac duong thing A, ban kinh bng 1 va tép
xac Wi mat phang (P).
A (x+1)°+(y+1)°+(z+2)°=1,
B. (x-5)"+(y-1)°+(z-2°= 1.
C. (x- 5)2 (y- 11) +(z- 2)2: 1 haic (x+1)2+(y+1)2+(z+])2: 1
D. (x+5)° +(y+11)"+(z+ 2°=1 haic (x-1)"+(y-1)°+(z-2)°= 1.
Cau 40: Trong khong gian & hé toa do Oxyz, cho A(5;1;3) ,B(-51-3 C( & 3P D( 3; 6k Toa
do cuadiém A’ dbi xiing Wi A quamp(BCD) la.
A. A(3-7-9). B. A(17;5). C. A(L-7;9. D. A(-17;5).

+

+

Cau 41: Trong khong gian & hé toa d6 Oxyz, cho diém A(3;50 va mit phing
(P):2x+ 3y—-z- 7= 0. Viét phrong trinhduong thing d quaA va vudng goc &i (P) va tim bado diém
dbi xang A’ cua A qua P).

A d: X3S gy B.d:X23=Y"%- 2 n(-1-12).
2 3 1 2 3 -1
C.d:X3=Y"5-2 n(1-19). D.d:X*3-Y*5_Z N110).
2 3 1 2 3 1

Cau 42: Trong khong gian i h¢ toado Oxyz, cho A(LL3) B(-13;3 €(- L2;3. Khoang cachi gbc
toadd O t6i mp(ABC) bang.

A2 B. /3. C. ﬁ. D. 3.
2 2
Cau 43: Trong khodng gian & hé toa 46 Oxyz, cho mit phing (a):mx+y+(n-2)z+m+2= 0. Vi

moi sb thuc m, n mat phing (a) ludndi quadiém a dinh c6 bads la.

A. N(210). B. M (-1-2;0). C. P(£20). D. Q(0;1-2).
Cau 44: Trong khong gian & hé toadd Oxyz. Toadd hinh chéu vudng goc ta diém M (2;0;1) trén
. 2 x-1_ 'y z-2 .
ha : === la.
duong thang A 1 5 1 a
A. M'(0;-2;1) . B.M'(2;23. C. M'(-1,-4;0). D. M'(3,0;2).

Cau 45: Trong khdng gian & hé toadd Oxyz, cho A(2;1,-1) ,B(3;0;) C( 2+ LB, diém D thuc truc
Oy va té tich aia tr dién ABCD bing 5. Toadd dinh D Ia.
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A. (0;7;0) haic (0;-8;0). B. (0;-7;0) haic (0;8;0).

C. (0;8;0). D. (0;-7;0).
Cau 46: Trong khong gian &i hé toa dd Oxyz, cho miit ciu (S): x? +y?+2z?—2x-4y—6z= 0. Trong
badiém O(0;0;0) M (1,2;3 N( 2+ % )}l c6 bao nhiédiém thupc mat cau (S) ?

A. 3. B. 0. C. 1. D. 2.
Cau 47: Trong khéng gian & hé toa dd Oxyz, cho niit phing (P) c6 phrong trinh x—y-1= 0. Piém
H (2;-1-2)1a hinh chéu vudng goc ta gc toa do O trén mit phang (Q). Goc ¢ giita hai mit phing
(P) va Q) bang.

A. ¢ =45, B. ¢ =30. C. ¢ =60. D. ¢ =90°.
X=-3+2
Cau 48: Trong khéng gian & hé toa d6 Oxyz, cho haiduong thing d:{y=-2+3 tOR va
Z=6+4t
X =5+t
d:{y=-1-4' t' OR. GiaodiémM cia d vad'la.
z2=20+t’
A. M(3-2]). B. M(5-120 C. M(3;7:19 . D. M (=3;-2;6).
K=ot

Cau 49: Trong khéng gian & hé toa dd Oxyz, choduong thing d:{y=5t ,tOR va mit phing

z:Z+3
5

(P):3x-2y+3z-1= C. Goi d’la hinh chéu caad trén @). Trong cac veet sau, veat nao khong phi
la vecty chi phaong aia d’ ?
A. a=(5;5139 B.b=(5-51-39  C.c=(10;-105-7§ D.d=(-55139

Cau 50: Trong khong gian i h¢ toadd Oxyz, cho haidiém A(1;2;-3) ,B( 3~ 1. Phuong trinh chinh
tic aladuong thingdi qua haidiém A vaB la.
A x+1:y—2:z—3. B. x—3:y+1: z—3.
2 3 4 1 2 -3
x—1:y—2:z+3. D. x—1:y—2:z+3.
3 -1 2 2 -3 4
Cau 51: Trong khong gian & hé toa dd Oxyz, cho badiém A(0;0;a),B(b;0;0 C( O ;Q. Phrong
trinh mit phing (ABC) la:
A Z+YiZo B. 2+¥42=7, c. 2+Y+2=g, D. X+Y4 221,
c b a a c b b c a a b c
Cau 52: Trong khong gian & hé toa do Oxyz, cho mit phing (P) cit ba tmc Ox,Oy,Oztai A B,C;
trong tam tam giaéBC 1a G(-1;,-3;2) . Phrong trinh nit phang ) 1a.
A. 2x-3y-z-1= 0. B. x+3y-2z+1= 0.
C. x+y-z-5=0. D. 6x+2y—-3z+18= 0.

C.

Cau 53: Trong khong gian & hé toa d6 Oxyz, cho diém M(-2-4;3 va mit phing
(@):2x-y+2z-3= 0. Khoang cach diém M d¢én mit phing (a) 1a.
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A d(M, (@) =2. B.d(M,(@))=11.  C.d(M,(a))=1. D. d(M,(a)) =3.
Cau 54: Trong khong giansi hé toadd Oxyz, cho badiém A(0:1:2),B(1:-2:-1).C(1:-1:1). Goi (5)1a

quy tichdiém M sao choMA® + MB* - MC* =9. Khangdinh nao d6i day lading ?

A. (S)1a mit ciu tamO ban kinh Bng 3. B. (S)la mit ciu tamO béan kinh Bng 1.

C. (S)1a mot duong thing. D. ($)la mdt mat phing.
Cau 55: Trong khéng gian & hé toadd Oxyz, cho badiém A(0;0;3) ,B(-1-2;) va C(-10;2). Viét
phueong trinh nit phing (ABC) va tinhdd daiduong caoch cia tam giadABC ke tir dinh A

A. (ABC):2x+y—-2z+6= O,h:§ . B. (ABC):2x—-y—-2z+ 6= O,h:¥
C. (ABC):x+y—-2z+6= O,hzg : D. (ABC):x+y+2z+6= O,h:¥ :
X=t
Cau 56: Trong khéng gian & hé toa dd6 Oxyz, cho haiduong thing d,:{y=1-t tOR va
z=1+2
x=1-2'
d,:{y=2t' tOR. Trong cac rénhdé sau, nénh dé naodung ?
z=3-4'
A. d, va d,cit nhau. B. d, va d,song song.
C. d, vad,chéo nhau. D. d, va d, trung nhau.

Cau 57: Trong khong gian & hé toa do Oxyz, cho mit phang (a):2x—-3y+z-1= 0. Mat phing (a)
cit cac tuc toado tai cacdiém:.

A. (%;o;oj ( o;—% ;oj (00 B. (1,0;0) (0;0;3
C. (o;l;oj (0;0;) D. (Lo;oj ( 0-1 ;oj
3 2 3
x=0
Cau 58: Trong khoéng gian & hé toa do Oxyz, choduong thing d:{y=t ,tOR. Phrong trinh
z=2-t
duong vudng goc chungiad va tuc Ox la.
x=0 x=0 x=0 X=t
A . Jy=t,tdR. B.qy=2t tlR. C.qy=2-t tUR. D.y=t,tdR.
z=t z=t z=t z=t

Cau 59: Trong khdng gian & hé toa ¢ Oxyz. Ban kinh @a mit cau tam 1 (1;3;5) va tép xdc \6i

x =t
duong thing d ;< y=-1-t tOR la.
z=2-t
A. R=47. B. R=7. C. R=14. D. R=+/14.

Cau 60: Trong khong gian & hé toa d Oxyz, cho diém M(-121) va mit phing
(P):x+2y+2z- 3= Q. Viét phuong trinh tham & cua duong thing d quaM va vuéng géc & (P) va
phueong trinh ndit cau (S) c6 tam la §c toado va tiép xic \6i (P).
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xX=t X=1+t

A.d:dy=2t tOR,(S):xX*+y*+2z°=2. B.d:{y=2-2 tOR,S):xX*+y*+2z°=0.
z=1+2 z=1-2
X=-1+t x=1-t

C.d:Jy=2+2 tOR,S):X*+y*+z°=1 D.d:qy=-1+2 tOR,(S):xX*+y*+2z°= 4,
z=1+2 z=1-2

Cau 61: Trong khdéng gian & hé toa do Oxyz, cho diém 1(2;6,-3 va cac mt phing
(a):x-2=0,B):y-6=C, (y):z+3=0. Tim ménh dé sai trong cac #nhdé sau:

A. (B)!1(x0z). B. (y)//0z C. (a)0(B). D. (a) diqual.
Cau 62: Trong khong gian & hé toadd Oxyz, cho A(0;0;1) B(-1-2;Q €( 2, ). Puong thing A
di qua tong tdmG cua tam giacAABC va vudng goc & mp(ABC) co phrong trinh la.

X:E+& x:E+& x:}—& X:E—ﬁ
3 3 3 3
1 1 1 1
A. y:_§_4t,tDR. B. y:_§+4t,tDR. C. y:_§_4t,tDR. D. y:_§_4t,tDR.
z=3 z=3 z=3 z=-3t

Cau 63: Trong khong gian & hé toa d6 Oxyz, cho mit ciu (S):(x-1)"+(y+3)°+(z-2)° = 4¢.
Phrong trinh nao saday |a phrong trinh @a mit phang tiép xdc \6i mat cau (S) ?

A. 6x+2y+32= 0. B. 2x+3y+6z- 5= 0

C.6x+2y+3Z-55=0 D. x+2y+2z-7=0.
Cau 64: Trong khong gian & h¢ toa do Oxyz, cho haidiém A(-12;3) ,B(10-5 va mit phing
(P):2x+y—3z- 4= 0. Tim hadd diém M thusc (P) sao cha, B, M thing hang.

A. M(0;1]). B. M (0;1,0). C. M(0;L-1). D. M(31]).
Cau 65: Trong khong gian i hé toado Oxyz, chodiém A(1;2;-5). Goi M,N,P la hinh chéu aia A
trén ba tac Ox,Oy,Oz. Phrong trinh nit phing (MNP) a.

A x+2L+Z=1, B. x+21-2=1. C.x+Y-2+1=0. D.x+Z-Z=o0.

2 5 2 5 2 5 2 5

Cau 66: Trong khodng gian & hé toa dd Oxyz, cho niit phing (a):(1+m)x+\/5y+(m—1)z+2m =0
(m la tham $ thuc) va mit cau (S): x> +y* +z> =1. Tim it ca gia ti tham $ m dé mat phing (a) tiép
xUc v6i mat cau (S).

A m=-1. B. m=1 haic m=-1.

C.m:\/g hCl_“aCm:—\/E. D.m=\/§.
Cau 67: Trong khong gian & hé toa dd Oxyz, cho tam gia@BC c6 dién tich king 6 rim trong mit
phéng (a) c6 phrong trinh 2x— 2y +z+ 5= 0. Thé tich hinh chdpS.ABC véi S(1,11) bang.

A. 4. B. 8. C.12/2. D. 3J6.
Cau 68: Trong khong gianéi hé toadd Oxyz, cho mit ciu (S) cd tam| (6;3;~4). Ban kinh éa mit ciu
(9 tiép xtc Wi truc Ox bang.

A. 43, B. 4. C. 24/3. D.5.
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X=1+2
Cau 69: Trong khong gian &i hé toadd Oxyz, choduong thing d:< y=2-t ,tOR . Phrong trinh nao
z=3+t
sauday ding la phrong trinh ¢iad ?
X=1+2 Xx=1+t X=2t X=3+4
A.Jy=2+t tOR. B.<y=2-t,t0OR. C.iy=1-t tOR. D.qy=1-2 tOR.
z=3-t z=3+t z=2+t z=4+2

Cau 70: Trong khéng gian &i hé toa do Oxyz, cho mit phing (P):2x+3y+z—-11= C va mit ciu
(S): X2 +y?+ 22 =2x+4y—- 2z- 8= 0. Tim toado tiép diém M caa P) va ).

A. M(213. B.M(312). C.M(L23). D. M (3;2;1).
Cau 71: Trong khong gian i hé toadd Oxyz, cho tam giaABC c6 A(110), B(0;2;1) va trong tam
G(0;2;-1). Viét phuong trinhduong thing A di quadiém C va vudng goc & mit phing (ABC).

X=1+t X=-1+t X=-1+t X==-1+t
A. Jy=3+t tOR. B.{y=3+t t0R. C.{y=3+t tOR. D.{y=3-t ,tUR.
Z:4t Z:4 Z:_4 Z:_4

Cau 72: Trong khong gian i hé toadd Oxyz, cho hinhdp phrong ABCD.A'B'C'D’, goi M, N lan luot
la trungdiém caa AD va BB'. Césin @a gdc gira haiduong thing MN va AC’ la.

Al 5. V3. c B p. Y2
2 2 3 3
Cau 73: Trong khéng gian & hé toa do Oxyz, cho bét badinh aia ot hinh binh hanh céa d6 1a
(L1 ( 23,9 ( 6;5;2. Dien tichScia hinh binh hanti6 bing.

\/83

A S=% B. S=2.83. C. S=83. D. S=4/83.
X=1+t
Cau 74: Trong khéng gian & hé toa do Oxyz, cho haiduong thing d:{y=0 tOR va
Z=-5+t
x=0
d':{y=4-2' t'OR. Phrong trinhduong vudng goc chungiad vad’la.
z=5+3
X=4-t X=4+2
AXTA_Y_272 g XT4_Y_2¥2 o ly_x  tOR. D.ly=3x  tOR.
2 82 2 32 z=-2+t z=-2+2t

Cau 75: Trong khéng gian & hé toa d6 Oxyz, cho mit phing (P):2x+y-2z+10= C va diém
1(2;1,39. Viét phuong trinh it cu tam | cat (P) theo nt dudng tron c6 ban kinhdng 4.

A (9):(x-2) +(y-1)*+(z-3°=25 B. (9):(x+2)° +(y-1)°+(z+3°=16
C. (9):(x-2)" +(y-1)°+(z-3°=16 D. (S):(x-2)"+(y+1)*+(z-3*= 25
Cau 76: Trong khong gian & hé toa 46 Oxyz. Phrong trinh nit phing chra tmc Oy va diém
Q(L4-3 la.
A. 3x-z=0. B. 3x+z=0. C. x+3z=0. D. 3x+y=0.
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Cau 77: Trong khong gian & h¢ toadd Oxyz, cho A(2;-16) ,B(-3-1-4 C( 5 LI D( L2). Thé
tichV cua tr dién ABCD bang:

A. V =60. B. V =40. C. Vv =50. D. V =30.
Cau 78: Trong khong gian & hé toadd Oxyz, chodiém G(l;l;]). Mat phing quaG va vuéng goc &i
duong thing OG c6 phrong trinh 1a.

A. x+y-z-3=0. B. x+y+z-3=0. C. x+y+z=0. D. x-y+z+3=0.
Cau 79: Trong khdng gian & hé toa ddo Oxyz, cho haidiém A(2;0;0) ,B( 11~ ). Viét phuong trinh
mit phing trung toe (P) ciadoan thing AB va phrong trinh nit cau (S) cé tan®, tiép xac i mp(P).

A. (P):x-y+z-1=0, (S):xX*+y*+2°=2.

B. (P):2x+2y+ 22— 7=(, (S): x* +y*+ 2° :é.
C. (P):2x-2y+2z-1=C, (S):x2+y2+22:1—12.
D. (P):2x+2y+2z-1=C, (S): X’ +y*+z°=1.
Cau 80: Trong khdng gian & hé toadd Oxyz, cho haidiém M (-2;3;1) N( 5,6 3. Buong thing MN
cat mp(Oxz) tai diém A . Diém A chiadoan MN theo t sb.

A. -2, B. 2. C. % D. -

Cau 81: Trong khong gian & hé toa do Oxyz, cho A(3;0;0) ,B(0-6;Q C( 0;0;pva
mp(a): x+y+z-4=0. Toadd hinh chéu vudng goc &a trong tam tam giaéBC trén mp(a) la.

N

A. M(213. B. K(2;,-1-3). C. N(-2-13. D. H(2-13).
Cau 82: Trong khong gian&i hé toadd Oxyz. Goi d la duong thing di qua dic toadd O, vudng goc i
X=1+t
truc Ox va vudng goc §i duong thing A:<y=2-t ,tOR . Phrong trinh ¢iaduong thingd Ia.
z=1-3
x=0 X =t X=t
A ly=-3tOR.  B.ly=-3 t0OR. C%:%:—i{ D.y=3 t0OR.
z=t z=-t z=-

Cau 83: Trong khong gian & hé toa do Oxyz, cho diém A(-13;2) va mit phing
(P):2x-5y+ 4z~ 36= (. Goi | 1a hinh chtu vudng goc a A trén @). Viét phuong trinh it cau tam |
vadi quaA
A. (x-1)°+(y+2)*+(z-6)"= 45 B. (x+1)°+(y+2)
C. (x+1)"+(y+2)°+(z+6)° =20 D. (x-1)"+(y+2)

Cau 84: Trong khoéng gian & hé toa 46 Oxyz, cho duong thing d:X; =

(P):x+y-2z+5=0vadiém A(L-12). Viét phuong trinhduong thing cit d va (P) 1an luot tai M va
N sao chaA |a trungdiém ciadoan thing MN.

x-1 y+1 z-2 x-1 y+1 z-2

A. B.
2 -3 2 2 3 2
C. x—1:y—1: z—2. D. x+1:y—1: zZ+ 2.
2 3 2 3 2 1
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Cau 85: Trong khong gian & h¢ toadd Oxyz, choduong thing (d) di quadiém A(2:3;5) va vuéng goc
v6i mat phang (a):2x +3y+z-17=0. Tim tpadd giaodiém H caa (d) véi Oz

A. H(4:0;-2). B. H(0:0:1). C. H(1:3:2). D. H(0;0:4).
X=1+t
Cau 86: Trong khéng gian & hé toa d6 Oxyz, cho haiduong thing d:{y=2+t,tOR va
z=3-t
x=1+2'
d :qy=-1+2t' t' OR. Trong cac rénhdé dé dudi day, ménh dé naoding ?
z=2-2
A . d=d’. B.d//d. C.d cit d’. D. d chéo vi d'.
x-3 _y- 6 z-1
Cau 87: Trong khéng gian & hé toa do6 Oxyz, cho haiduong thing d,: > > I va
X=t
d,:{y=-t,tOR. Duong thingdi quadiém A(0;11), vudng goc ¥i d, va ctd, c phrong trinh .
z=2
A x—1: y—1:z—1. B. X _ y—1:z—1. C. X _ y—1:z—1. D. x—1:l:z—1.
1 3 4 -1 3 4 -1 -3 4 -1 -3 4

Cau 88: Trong khoéng gian & hé toa dd Oxyz, cho hai nit phing (a):mzx—y+(m2—2)z+ 2=0 va
(B):2x+m’y-2z+1= 0(mla tham § thuc). mp(a) vudng goc i mp(B) khi.

A [m=1. B. |[m=2. C.|m=v2. D. |m =+3.
Cau 89: Trong khong gian & hé toa do Oxyz, cho A(0;0;2) ,B(3;0;5 C( LLP D( 4;Lk Do dai
duong cach cua tr dién ABCD ha tir dinh D xudng mit phing (ABC) la

A. h=11. B. h=1. C. h=11. D. h—1£11

Cau 90: Trong khong gian & hé toa do Oxyz, cho mit phing (P):6x+3y—2z-1= C va mit ciu
(S): x*+y?*+2z2-6x—-4y- 22— 11= C. Mat phing (P) cit mat cau (S) theo giao tu§n la mdt duong tron
(C). Tim tpadd tam va ban kinhua (C).

A. TamH (% g —;j ban kinhr = B. Tam H (3;2;1), ban kinhr =5.
C.TamH (§ E —3j ban kinhr = D.TamH (E E E’j ban kinhr =
777 77 7
X-2_y+1 z . 2
Cau 91: Trong khoéng gian & hé toa 46 Oxyz, choduong thing A:—= I —2——1 va mat phang

(P):x+y+z-3=0. Goi | la giaodiém cia A va P). Tim a do diém M thudc (P) sao chaMl vubng
goc Wi A va Ml =414,

A. M (5;9;-11) haic M (-3;-7;13 . B. M (5;9;11) haic M (-3;-7;13 .
C. M (5;9,-11 haic M (3;7;13 . D. M (5;-9;1]) haic M (3;7;-13 .
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X=1+t
Cau 92: Trong khdng gian & hé toa d6 Oxyz, choduong thing d:{y=2-t ,tOR va mit phing
z=1+2
(@):x+3y+z+1= 0. Trong cac rénhdé duéi day, menh dé naodaing ?
A. dO(a). B.d//(a). C.dO(a). D. d cit (a).
Cau 93: Trong khong gian & hé toa do Oxyz, cho caatiém A(0;0;3) M (12;Q. Viét pheong trinh

mit phing (P) quaA cit cac tnc Ox, Oy Ian luot tai B, C sao cho tam gia&BC c6 tiong tam thgc duong
thang AM.
A. 2x+3y+4z-12= 0 B. 6x—3y—-4z+12= 0.

C.3+4y+52-6=0 D. 6x+3y+4z-12= 0
Cau 94: Trong khong gian & h¢ toa dd Oxyz, cho mit cau () c6 tam 1 (2;1-1) va tép xdc Wi mat
phing bad¢ (Oyz) . Phrong trinh nit cau (9 1a.
A (x+2)"+(y-1)"+(z+1)°= 2, B. (x-2)"+(y-1)"+(z+1°= 4.
C. (x-2)"+(y-1)"+(z+1)°=1, D. (x+2)"+(y+1)*+(z-1)°= 4.
Cau 95: Trong khong gian & hé toa do Oxyz, cho duong thing d c6 phrong trinh tham &
X=2-t
y=1+t ,tOR . Phrong trinh ndo saday la phrong trinh chinhic ciad ?
z=t

-2 _y-1

A x-2=y-1=z-1. B. 2 £=Y "~ X~2
11

c X=2_y-1_

z z
1 1 171
Cau 96: Trong khong gian & h¢ toa do Oxyz, cho diém A(-L2) va hai nit phing
(P):2x+4y—6z- 5= C, (Q): x+2y—-3z= 0. Ménhdé nao sautay lading ?

A. mp(Q) khdngdi quaA va khdng song songsv mp(P).

B. mp(Q) di quaA va song songdai mp(P).

C. mp(Q) khbngdi quaA va song songdai mp(P).

D. mp(Q) di quaA va khéng song songiiv mp(P).

D. x+2=y+1=z+1.

Cau 97: Trong khong gian & hé toa do Oxyz, cho diém A(L0;-1) va dudong thing

:T:—; =t Viét pheong trinh nt phing (P) quaA va vudéng goc & d. Tim tpadd hinh chéu

vudng godH ciaa A trénd.

111 1 1 1
A. (P):x+y-z-3=0,H|=;=:= B. (P):x+2y-z+3=0, H
(P):x+y- (33 J (P):x+2y- (3 L ;
C. (P):2x+2y+z-3=0, H(§}—_1J D. (P):2x+2y-z-3=0, H(S 1 1)
33 3 3' 3 3
X=5+2
Cau 98: Trong khdéng gian & hé toa do0 Oxyz, cho haiduong thing d:Jy=1-t tOR va
z=5-t
x=9-2
d,:qy=t ,t' OR . Phrong trinh nit phang chira é haiduong thing d,,d, c6 phrong trinh Ia.
z=-2+t

A. 3x+5y+z-25=0 B.3x-5y+z-25=0 C.3x-5y-z+25=0 D.x+y+z-2=0.
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Cau 99: Trong khong gian & hé toa d6 Oxyz, cho duong thing d: Xley—_;:Ezva
mp(P): x—2y+ 2z—-1= 0. Mat phing chrad va vuéng géc & mp(P) c6 phrong trinh Ia.

A. 2x+2y+z-8=0 B.2x-2y+z+8=0 C.2x-2y+z-8=0 D.2x+y-2z-8=0.
Cau 100: Trong khong gian & hé toa d6 Oxyz, cho haidiém A(14;2) B(-12;4 vaduong thang

X2 11 yIZ—EZ.Biém M OA ma MA? + MB2nho nhit c6 bado 1a.
A. M (30;-4) . B. M (0;-14). C. M(L1,0;4). D. M (-10;4).
X=-8+4
Cau 101: Trong khéng gian & hé toa d6 Oxyz, cho duong thing d:{y=5-2t tOR va diém
z=t
A(3;-2;5). Hinh chéu vudng goc sa Atrénd la.
A. J(4-1-3. B. H(4-13). C. K(-4;-13). D. 1(-4;1-3).
X=t
Cau 102: Trong khéng gian & hé toa d6 Oxyz, cho hai duong trang d:{y=2t tOR
z=1-t
=1+2s
d,:qy=2+2s,sOR. Xét i tri trong ddi gita d, va d, .
z=-s
A. d, va d,chéo nhau. B. d, va d, song song nhau.
C. d, vad, cit nhau. D. d, va d,vudng géc nhau.
Céau 103: Trong khéng gian & hé toa do Oxyz, cho ‘G‘ ‘ ‘ (u v)—— GOc ¢ gira vect Vv va

vect U-V bing.
A. ¢ =60. B. ¢ =30". C. ¢ =90 D. ¢ =45
Cau 104: Trong khong gian & hé toa dd Oxyz, cho mit ciu (S) c6 tam| (3;3;-4) va tép xUc i truc
Oy. Ban kinhR cua mit cau (S) bang.
5

A R=Z. B. R=5. C. R=+5. D. R=4.

Cau 105: Trong khong gian & hé toa dd Oxyz, cho badiém M (2;0;0) ,N(0-3;Q P( 0;0;%. Néu
MNPQ I& hinh binh hanh thba do caadiém Q la.

A. Q(-2;-3,4). B. Q(3;2;4). C.Q(2:34). D. Q(4:3;2).
Cau 106: Trong khong gian & hé toa do Oxyz, cho diém A(2,15-1);B(12;3 va mit phing
(P):x+2y—2z+ 3= 0. Tim ado hinh chéu vuéng gé caa A trén @). Viét pheong trinh mit phing
(Q) chra A, B va vudng goc &i (P)

A. H(L1L1, (Q):10x+2y+ X-15= 0 B. H(L-11), (Q):10x- 2y+ X~ 15= G

C. H(L-1-1), (Q:x-y+z-1=0. D. H(-1131), (Q):4x-2y+z+5=0
Cau 107: Trong khéng gian & hé toa do Oxyz, cho ba it phing (P):2x+y+z+3=0,
(Q):x-y-z-1=0va (R):y-z+2=0. Trong cac ranhdé sau, nénh d& nao sai ?

A. (P)O(R).

B. Khong cédiém nao cling thic ba mit phang trén.
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C. (P) LU(Q).

D. (Q) O(R).
Cau 108: Trong khong gian & hé toadd Oxyz, cho haidiém A(L;3;-4) va B(-12;2). Phrong trinh
mit phing trung tec ciadoan thing AB 1a.

A. Ax+2y+12Z-17= 0 B. 4x+2y-122-17= 0

C.4x-2y-12-17= 0 D. 4x-2y+12z+17= 0
Cau 109: Trong khong gian & hé toa d6 Oxyz, cho haidiem A(3;3;1) ,B(0;2;) va mit phing
(P): x+y+z-7=0.Puong thingd nam trén mpP) sao cho i diém aiad cachdéu haidiém A, B ¢o
phuong trinh la.

X=2t X=t X=t X=-t
A Jy=7-3 tOR. B.jy=7+3 t0OR. C.qy=7-F t0OR. D.qy=7-3 t0OR.
z=t z=3t z=2t z=2t

Cau 110:Trong khdng gian & hé toadd Oxyz, cho mit phang (P):2x+y—-2z—-1= 0 vaduong thing
X-2_y _z+3

d R Rt Tim giaodiém M caad va P). Viét pheong trinh nit phing Q) chiad va vuéng
goc Wi (P).
7.3 _ 7.2.3 :
A M (E—SEJ (Q):x+8y+5z+13=0 B. M (EB—ZJ (Q):x—-8y+5z+13=0
C.M (%;—3;%}, (Q): x+8y+5z-3= 0. D. M(7;3,2), (Q):x+y+z+1=0.

Cau 111: Trong khong gian & hé toa d6 Oxyz. Toa d0 giao diém M cia duong thing
d_x—12_y—9_z—1
4 3
A. M (L16). B. M (12;9;) C. M(30;). D. M(0;0;-2) .
Cau 112: Trong khong gian & hé toa d6 Oxyz, cho mit phing (P):3x+4z+12= C va mit ciu
(S):x* +y?+(z-2)" =1. Khi d6.

va mit phang (@) :3x+5y-z-2=0la.

A. mp(P) di qua tam éa mit ciu (S). B. mp(P) cit (S) theo ndt duong tron.
C. mp(P) tiép xtc mit cau (S). D. mp(P) khéng ét (9.
Cau 113:Toad¢ hinh chéu vudng goc gadiém M (2;0;1) trénduong thing A: Xilz% = 2_12 la.

A. M'(2,2;3). B. M'(0;-2;1). C. M'(-1,4;0). D. M'(3,0;2).
Cau 114: Trong khong gian & h¢ toa d6 Oxyz, cho diém A(-13-2) va mit phing
(P):x-2y-2z+5= 0. Tinh khaing cach & A d&én (P) va viét phuong trinh ndt phing Q) di quaA va
song song &i (P).

A. d(AP)=2,Q):x-2y+ 2+ 3= 0 B. d(A(P)) :%,(Q):x+ 2y-2z+ 3= 0.

C. d(A,(P))z%,(Q):x—Zy—2z+ 3=0 D. d(A,(P)):g,(Q):x—y—z+3: 0.

Cau 115: Trong khong gian & h¢ toa do Oxyz, cho diém A(-1-1-2);B(0;13 va mit phing
(P):x+y+z-1=0. Tim toadd hinh chéu vuéng goéd caa A trén ) va viét pheong trinh mit phing
(Q) di quaA, B va vubng goéc &i (P).

22 1
A . H|l=———=1, X=-2y+z+1=0.
223) @rx-2y
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221
Hi == =], (Q):x-y+z+1=0.
22.3) @ney
222 2,21
C.H|=;=;= 2x—-2y+ 22+ 1= 0B. H| =; x—-2y-z-1=0.
(3 33 j(Q) y (3 3 3} (Q):x-2y-

A : A : A A . 2 X=-1 y+1 z-2 . ;
Cau 116: Trong khong gian & h¢ toa do Oxyz, choduong thing d: > ST . Hinh chéu
vudng goc ad trén mit phing bado (Oxy).

x=0 X=-1+2t X=1+2t X=-1+2

A y=-1-t tOR. B.{y=1+t t0OR. C.Jy=-1+t t0R. D.y=-1+t t0R.

z=0 z=0 z=0 z=0

Cau 117:Trong khong gian & hé toadd Oxyz. Viét phuong trinh @iadudng thing |1a giao tugn hai mit
phing (P):2x+y-z-3=0va(Q):x+y+z-1=0.

A x—1=y—2:z+1' B. x+1=y—2=z+1.
2 3 1 -2 =3 1

c X _y-2_z=1 D X-y-2_z+l
-2 3 -1 2 3 1

Cau 118: Trong khong gian & hé toa d6 Oxyz, cho haidiém A(L-11) B(-12;3 vaduong thang
Xx+1_y-2_z-3

A: > n 3 Viét phuong trinhduong thing di quaA, vudng goc i hai duong thing AB va
A.
A x+1: y+1: z+1' B. x—1: y+1: z—1' C. x—1: y+1: z—1' D. x—1: y+1: Z_l.
7 2 4 7 2 4 7 -2 4 7 -2 -4
Cau 119: Trong khong gian & hé toa d6 Oxyz, cho diém M (212)va dudng thang
:XT_1=y—;3——i Viét phrong trinhduong thing di quaO vaM va viét pheong trinh nit ciu (S) tam
Avadi quaO
X_Y_<Z 2 _
A OA:Z=2=2.09) (x+2)°+(y+)*+(z+2°=9
B.0A: 2=Y =2 (5):(x-2 +(y-1)*+(z-2*= 9
2 1 2
C.OA: X=X =2 (g):(x=2) +(y-1)°+(z-2)°= 9
1 2 1
D. OA:§=ll=—z,(S):(x 2 +(y-1)°+(z-2°= 4

Cau 120: Trong khong gian & hé toa dd Oxyz, cho niit cau (S): x* + y?+ z2—2x—4y—-6z— 2= 0 va
mat phing (a):4x+3y-12z+ 10= (. Mt phing tiép xdc Wi (S) va song songdi (@) c6 phrong trinh
la.

A. 4x+3y-12+ 78= 0

B. 4x+3y—-12z—- 78= (hoac 4x+3y-12+ 26= 0

C. 4x+3y—-12z+ 78= (hoac 4x+3y-12—- 26= 0

D. 4x+3y—-122+ 26= 0
Cau 121: Trong khong gian & hé toa do Oxyz, cho Wn diem A(L0;0) B( 0,9 C( 0;0;1 va
D(-2;1-1). Thé tichV ciza tir dign ABCD la.
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A V=1 B. V=2 C.V:}. DAlzl.
3 2
Cau 122: Trong khdbng gian & hé¢ toa dd Oxyz, cho hai nit phing
(@):3x-2y+2z+ 7= 0,3 ):%- 4+ 2+ E (. Phrong trinh nit phing qua §c toa do O, dong thoi
vubng goc vi ca (a) va (B) la.

A. 2x+y-2z+1=0. B. 2x-y+2z=0. C.2x+y-2z=0. D. 2x-y-2z=0.
xX=t
Cau 123: Trong khong gian & hé toa d6 Oxyz, cho hai dusng thing d:{y=2t tOR
z=1-t
x=1+2s
d,:{y=2+2s,s0OR. Viét pheong trinh mit phang chra haiduong thing d,,d, .
z=-s
A. y+2z-2=0. B. x+2y-2=0. C. x+2z-2=0. D. x+y+2z-2=0.

X-2 _y+1 z+1
-1 -1
(P):2x+y-2z=0. Puong thing A nam trong P) vuéng goc i d tai giao diém ciad va (). Viét
phuong trinhdudng thing A.

Cau 124: Trong khong gian & hé toadd Oxyz, choduong thing d: va mit phing

X=t x=1-t
A ASy=-2+t tOR. B.A:xy=2 tOR.
z=1-t z=t
X=1+t x=1-t
C.A:qy=2 L tOR. D. A:qy=-2 tOR.
z=t z=-

Cau 125: Trong khéng gian & hé toa dd Oxyz, cho ®Bn diém
A(1:1:1),B(1:3:5),C(1:1;4),D(2:3:2). Goi 1,7 1an luot Ia trungdiém cia AB,CD. Khingdinh nao i

day lagang ?

A. ABLLJ. B.CD 1. i

C. IJ O(ABC). D. AB,CD c6 chung trungtiem.

A : A - - A . 2 X=1_y+1 z . .
Céau 126: Trong khdng gian & hé toa do0 Oxyz, cho duong thing d'T_—l__l va haidiém
A(L-12) B( 2~ 1Q. Xacdinh hadd diém M thupc d sao cho tam giadMB vudng i M .

A. M (3-1,0) hoic M (ZE—ZJ B. M (L-10) hoic M (Z;—E;—ZJ.

333 3 33
C. M (310 haic M (Z;—§;—2j. D. M (L-11) haic M (1;—5;—2}
3 33 3 33
X=1+2
Cau 127:Trong khong gian & hé toadd Oxyz. Khoang cach dia haiduong thing d:{y=-1-t,tOR
z=1
vad  X2=Y*2.273 ),
-1 1 1
1 J6
A. d(d,d’)=+2. B.d(d,d')=—. C.d(d,d')=>2. D. d(d,d’)=+/6.
(0.0 (0.0) = (0.0)=% (0.0
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Cau 128:Trong khdng gian&i hé toadd Oxyz, cho Bndiém A(LL1) ,B(12;) C( LL2vaD(2;2;1).
Tam! caa mit cau ngai tiép tir dién ABCD c6 bado.

A. |(3 -3, 3}. B. 1(3-3;3). C.1(3373). D. |(§;§;§J.
2 22 222
X+l y z-2
Cau 129: Trong khéng gian & hé toa do Oxyz, cho duong thing d: TZEZ—l va diém

1 (0;0;3). Viét pheong trinh mit cau (S) c6 taml va cit d tai hai diém A, B sao cho tam giaAB vudng
tai I.

A (S):x2+y2+22:% B. (S):x2+y2+(z—3)2:g.
C. (S):x2+y2+(z—3)2:8. D. (S):x2+y2+(z+3)2:2.
Cau 130:Trong khdng gian & hé toadd Oxyz. Tim tit ca cac gia tr thuc cia tham 6 m sao chatuong
x=1—§t
2
thang d :{ y =t ,tOR nam trong niit phing (a):2x-y-2z- 6= 0.
z= —Z—Emt
2
A. m=4, B. m=4va m=-2. C. m=2. D. m=-4.
Cau 131: Trong khéng gian & hé toa d6 Oxyz, cho haiduong thing d,: X;1:%= Z;3 va
X=2t
d,:{y=1+4t tOR. Khingdinh nao sadayddng ?
z=2+6t
A. d,,d,cat nhau. B. d,//d,. C. d,,d, chéo nhau. D. d,,d, trung nhau.

Cau 132: Trong khdng gian & h¢ toa d Oxyz, chodiém M (-12,-3. Goi M;,M,,M, lan luot &
diém d6i xing ailaM qua cac rit phing (Oxy), (Oxz), (Oyz) . Phrong trinh nit phing (M,M,M ) 1a.

A. 6x+2y+3Z+6=0 B.6x-3y—-22+6=0 C.6x-3y+2z+6=0 D.6Xx-2y+3+6=0
X—6 y+1 z+2

Cau 133: Trong khéng gian & hé toa do Oxyz, cho duong thing A: > va diém
A(L7;3. Tim bado diem M thusc A sao choAM =2/30.
A. M (3-3-1). B. M(3,-3- ])hCBCM(SJ' —1;—5).
7T 7 7
M (3:31) haic M(f’l 1;5) D. M(f’l _1;_5)
7 177 7 7 7
Cau 134: Trong khong gian & hé toa d6 Oxyz, cho diém A(L2;3 va dudng thing
d: le—%—z—;’ Viét pheong trinhduong thing A di quaA, vudng goc ¥i d va dit truc Ox.
X=1+2 X=1+2
A A:sy=2t tOR. B.A:xy=2+2 tOR.
z=3+3 z=3+3
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X=1+2 X=1+2
C.A:xy=3+3 tUR. D. A:qy=2+2 tUR.
zZ=2+2t z=1-3

Cau 135: Trong khong gian & hé toa do Oxyz, cho badiém A(L0;0) ,B(0;2;Q C( 0;0;3. Phrong
trinh nao saday khéng phi 1& phrong trinh it phéing (ABC) ?
A. 6x+3y+2z-6=0 B. 6x+3y+2z+ 6= 0

C.12x+ 6y + 4z- 12= 0 D. x+%+§:1.

Cau 136: Trong khdng gian & h¢ toa do Oxyz, cho mit phing (a):2y+z=0. Tim ménh dé ding
trong cac mnh dé sau:

A. OxO(a). B. (a)//Ox. C. (a)!10y. D. (a)/1(y0z).
X+2_y-1_z+5

3 -2

A(-2;11) B(-3-13. Tim badd diém M thusc A sao cho tam gidlAB c6 dién tich king 3J5.

A. M (-2;1-5) haic M (-14;-35;19 B. M (-2;1-5) haic M (-14;35;19

C. M(2;1;,-5) haic M (-14;-35;19 D. M (2;1;5) haic M (14;35;19
Cau 138: Trong khdng gian & h¢ toa dd Oxyz, cho haidiém A(2;0;1) ,B(0-2;3 va mit phang
(P):2x—y-z+4=0. Tim tpadd diém M thuoc (P) sao choMA=MB =3.

Cau 137:Trong khéng gian & hé toa dd Oxyz, chodudng thing A: va haidiém

M (0;:1;3) haic M( 95;52) M (0:1:3) hoacM(Eﬂl—zJ.
777 777

C. M(£0;3 hOacM( 95,1—2) (30])hoac|v|£2§i‘j.
777 777

Cau 139: Trong khong gian & h¢ toa d6 Oxyz, cho haidiém A(L,-2;3) ,B(-10;) va mit phing
(P):x+y+z+4=0. Viét pheong trinh nit cau (S) c6 ban kinh ing % c6 tam thac duong thing
AB va () tiép xuc i (P).

A (xr2) +(y+3)"+(z+ 497 = haic (x-6)" +(y -5 +(2- 47 =3.
B (x+6)" +(y=5)"+(2+ 4 =3.
C. (x+4)° +(y-3)° +(z+ 2)2=%,
D. (x+4) +(y=3)"+(z+ 2)2:% hoic (x+6)° +(y—5)+(z+ 4)>=1.

Cau 140: Trong khong gian & hé toa d6 Oxyz, cho hai mt phing (P):x+y+z-3=0 va
(Q):x-y+z-1=0. Viét phuong trinh mit phang R) vudng goc i (P) va Q) sao cho khing cach i
O dén (R) bang 2.

A. x-z+x24/2=0. B.y-z-2J2=0. C. x-y+2J2=0. D. x—z+2/2=0.
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X=3+t
Cau 141: Trong khong gian & hé toa d6 Oxyz, cho haiduong thing Aciy=t LtOR va
z=t

A, :%2 :y_—lzgz_ Xacdinh ©ado diém M thudc A, sao cho khing cachi M dén A,bing 1.

1

A. M (4,14 hoic M (7;4;4). B. M (4,1,4) hoic M (14;4).

C. M(4;7;4) haic M (7;4;4). D. M (7;4;4) haic M (117).
Cau 142: Trong khoéng gian & hé toa do6 Oxyz, cho haidwuong thing d, : X=2_ y;rl: Z;3 va
d,: Xllz y;1: z+1 Khoing cach dta d, va d, bang.

A 43 B.2 C. 4/2. p. N2,

2 3 3

N . . . o . . 2 Xx=-1y z+2 . B

Cau 143: Trong khong gian & hé toa d0 Oxyz, choduong thang A.T=I=—1 va mat phang

(P):x-2y+z=0. Goi C la giaodiém cia A va (), M la diém thwc (P). Tinh khding cach& M dén
(P), biét MC =/6.

A. d(M,(P)):g. B. d(M,(P))z%. C. d(M,(P))z%. D. d(M,(P)):g.
Cau 144: Trong khdng gian & hé toa d6 Oxyz, cho badiém A(2;L-1) B(-10;4 C( 0r 25 ).
Phrong trinh nao saday la phrong trinh @a mit phing di quaA va vuéng goc & duong thing BC ?

A. x-2y-5z2=0. B. x-2y-52-5=0. C. x-2y+5z-5=0. D. x-2y-5z+5=0.
N . N . . R . 2 X+2 _y-2_ z . . 2
Cau 145:Trong khdng gian & hé toa dd Oxyz, choduong thang A.T:T:—l va mit phang

(P):x+2y—3z+ 4= Q. Viét pheong trinhdudng thing d nam trong P) sao chal cit va vudng goc &i
duong thing A.

X=-3+t X=3+t X=-3+t X=-3+t
A cy=1-t tOR. B.{y=1-2 tOR. C.iy=1+2 tOR. D.qy=1-2 tOR.
z=1-2 z=t z=1+t z=1-t

Cau 146: Trong khéng gian & hé toa 46 Oxyz, cho it phing (P):x—-2y-3z+14= 0 va diém
M (L-11). Toadé cuadiém M’déi xing wi M qua mpPp) la.

A. M'(2-11). B. M'(2,-3-2). C. M'(1-37). D. M'(-13;7).
Cau 147: Trong khong gian & hé toa d6 Oxyz, cho cacdiém A(2;1,0),B(12;3 C(L1,0) va mit
phing (P):x+y+z-20= 0. Xacdinh diém D thudc AB sao chaduong thing CD song song & mit
phing ().

A. D(ié;—l) B. D(§E—3J C. D(52-1). D. D(§;——1;1J.
2 2 2 2 2 2 2
x=1+¢

Cau 148: Trong khoéng gian & hé toa d0 Oxyz. Cho duong thing d:{y=r ,rOR va mit
z=-t
phing(P): x +y +2z-1=0.Khiangdinh nao #6i day lading ?
A. G6c gita d va (P) bang 45°. B. d song song &i (P).

118

Chuyéndé 6. Phrong phap toa dé trong khong gian — Hinh hpc giai tich



Tai Ligu On Thi THPTQG

GV. Lw S Phép
C. d nam trong (P). D. d vubng goc i (P).
Cau 149: Trong khong gian & hé toado Oxyz, cho hai nit phing song sonda):x+y-z+5=0 va

(B):2x+2y~-2z+ 3= 0. Khaang cach gia (a) va(B) la.
A. d((a),(ﬁ)):g B. d((CJ’),(,B’)):7—\é:_3 C. d((CJ’),(,B’)):ZT\/:_3 D. d((a),(,B)):Z.

Cau 150: Trong khdéng gian & hé toa do Oxyz, cho diém A(LL1) va duong thing

X=6-4
d:<y=-2-t ,tOR. Hinh chéu cia A trénduong thing d cé bado la.

z=-1+2
D. (2,-3-1).

A (237, B. (2-31). C. (-231).
Cau 151: Trong khdng gian & h¢ toa do Oxyz, goi () la mat phang di quadiém M (3;-1-5) va
vudng goc ¥i hai mit phang (a):3x-2y+ 2z+ 7= 0(B) :X- 4+ 3+ E ( Phrong trinh da mit

C.2x+y-2z-16=0. D. 2x+y—-2z+15=0

phing (y) 1a.
X=2+t

A. 2x+y-2z-15=0 B. x+y+z+3=0.

Cau 152: Trong khong gian & hé toa d0 Oxyz, cho haiduong thing d,:qy=1-t tOR va
z=2t

x=2-2'
' OR . Phrong trinh mit phang cachiéu haiduong thing d,, d, c6 phrong trinh Ia.

d,:qy=3
z=t'
A. x+5y-2z-12=0 B. x-5y+2z-12=

0 C.x+5y+2z-12=0 D. x+5y+2z+12=0
Cau 153: Trong khong gian & h¢ toadd Oxyz, cho haidiem A(3;2;1) ,B(

7 1011) NS
—_— = va mit cau

3 3

(S):(x-1)°+(y-2)"+(z- 3" = 4. Xacdinh ads cia tiép diém H caa mit phing trung tuc cia doan

AB va mit ciu (S).
A H[é.z.ilj (_2.2._1j (_1._2.13 (_1._2._11)
' 3’3 3) 3’3" 3) 3 3 3) 37 3 3)

Cau 154: Trong khong gian & h¢ toa do Oxyz, cho cacdiém A(3;-2,-2) B(3;2,0 C(0;2;)va
D(-112). Viét phaong trinh it cau (S tamA va tép xuc Wi mp(BCD).
A. (x—3)2 +(y+ 2)2+(z+ 2)2 =15 B. (x—3)2 +(y+ 2)2+(z+ 2)2 =14
C. (x=3)+(y+2)°+(z+2)°=16 D. (x=3)"+(y+2)°+(z+2)°=17
Cau 155: Trong khong gian & hé toa d Oxyz, cho diém A(-110) va duong thing

Tim tpadé diém M thuoc d sao chatd daiAM bing /6.

x-1_y _z+1
1 -2 1
A. M (330 haym ( 0;2;2 B. M (30;-1) hayM ( 0;2+ 2
D. M(L40;1) hayM ( 2;0;2

C. M(-10;-1) hayM (- 2;0:
Cau 156: Trong khong gian & hé toa d6 Oxyz, cho diém M(210 va mit phing

(Q):x+3y—-z-27= 0. Tim hado diém M’ ddi xang Wi M qua Q).
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A. M'(6;13-4) . B. M'(13;6;-4) . C. M'(13;-4;6) . D. M'(6;3;4) .
Cau 157: Trong khéng gian & hé toa d6 Oxyz, cho mit phing (P):x+2y+z+1=0 va diém
A(l; 0;3).Vi ét pheong trinh ndt phang (Q) song song & (P) va khaing cach diém A dén (Q) bang

Je.
A x+2y+z-10=0 vax+2y+z+2=0. B. x+2y+z+10=0 vax+2y+z-2=0.
C. x+2y+z-10=0. D. x+2y+z-2=0.

Cau 158: Trong khéng gian & hé toa dd Oxyz, cho it ciu (S): (x—3)2 +(y+ 2)2+(z—])2 =10C va
mat phing (P): 2x—2y—z+ 9= C. Biét ring (P) cit (9. Tim tdm va ban kinhia duong tron thét dién
cia P) va ).

A. Tam J(1-2;-3), ban kinhr = 4. B. Tam J(-1,2;3), ban kinhr =2y/2.

C.Tam J(L2;3), ban kinhr = 7. D. Tam J(~1;2;3), ban kinhr =8.
Cau 159: Trong khéng gian & hé toadd Oxyz, cho haidiém A(L-15) va B(0;0;1). Mt phing (P)
chira A, B va song songai Oy c6 phrong trinh la.

A. y+4z-1=0. B. 2x+z-5=0. C. 4x-z+1=0. D. 4x+y-z+1=0.
Cau 160: Trong khong gian & hé toa dd6 Oxyz, cho niit cau (S): X +y?+2z°—2x—4y— 4z = 0. Mat
phéng tiép xuc i (S tai diém A(3;4;39 co6 phrong trinh.

A. 2x+2y+z-17=0 B. 2x+2y+22-17= 0
C. 2x+4y+z-17=0 D. x+y+z-17=0.
X=1+mt
Cau 161: Trong khéng gian & hé toa d6 Oxyz, cho haiduong thing d:{y=t JHtO0R va
z=-1+2
x=1-t'
d:qy=2+2" t'OR. Tim #t ca cac gia trthuc ciamdé d cit d’.
z=3-t
A. m=2. B. m=-1. C. m=0. D. m=1.

Cau 162: Trong khong gian & hé toa d6 Oxyz, cho mit phing (P):2x+2y—-z—-3= 0 va mit ciu
(S):(x—5)2+(y—2)2+(z— 2)2: 9. Viét phuong trinhduong thing d di qua tdm éa mit cau (S va
vuéng goc vi (P) va xacdinh ado giaodiém M caad va ).

A d:XT2=YT2-272 (30,9 B.d:X72=Y*"2-272 (313
-1 2 2 2 2 1
C.d:Xf2=Y"2.272 (333 D.d:X2=Y"2-272 \1(30,39.
2 2 -1 2 2 -1
Cau 163: Trong khong gian & hé toa dd Oxyz, cho miit phing (a): x+3y+z+1= 0 vaduong thing
x=1+t
d:{y=2-t tOR. Toads giaodiém A ciad va (a) la.
z2=2-3
A. A(3-4;0). B. A(-3;,0;4). C. A(3;0;4). D. A(3;0;-4).

Cau 164: Trong khong gian & h¢ toado Oxyz. Phrong trinh mp(P) chira tuc Oy vadiém M (1,-1;1)

la.
A. x-y=0. B. x+y=0. C. x-z=0. D. x+z=0.
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Cau 165: Trong khong gian & h¢ toadd Oxyz, cho A(a;0;0),B(0b;0 C( 0;0¢)vsi a,b,cla nhing

sd duong thayddi sao chot +El+_1: 2 . Mat phing (ABC)ludn di qua mét diém cb dinh c6 bado la.
a c
A (31]). B.[-1,-1,-1) C.(2,22). p. (11,1
2 2 2 2 2 2

x=t

Cau 166: Trong khong gian & hé toadd Oxyz, choduong thing (d):<y=-1,:0R va hai nit phing
z=-t

(P):x+2y+2z+3=0, (Q):x+2y+2z+7=0. Viét phuong trinh nit cau (S) c6 tam thac (d) va tiép

xuc i (P), (0).

2 2 2 4 2 2 2 4
A (S:(x-3) +|ly+1) +|z+3) =—. B. (S):(x+3) +(y+1) +(z—-3) =—.
(=3 sy w{enaf 2 (3 sy ofea) =2
2 2 2 4 2 2 2 4
C.(8):(x+3) +(y+1) +({z-3) =—. D. ($):(x-3) +|y—-1) +(z-3) =—.
($):(x+3) +(y+1) +(e-3) = ($):(x=3) +(y=1) +(e-3) =3
x=1
Cau 167: Trong khong gian & hé toadd Oxyz, choduong thing d:{y=1+t ,t0OR va hai nit phing
z=-1+t
(P):x-y+z+1=0va(Q):2x+y-z-4=0. Trong cac rénhdé sau, ngnh dé naoding ?
A. d//(P). B.dO(P),dO(Q). C.d//Q). D. d=(P)n (Q).
Cau 168: Trong khong gian & hé toa d6 Oxyz, cho duong thing d:X%g':y—;s:Ez ,

mp(a): x+y-z+3=0 vadiém A(L2;-1). Duong thing A di quaA, cit d va song songdi mp(a) co
phuong trinh 1a.
x-1 y-2 z+1

X+l y+2 z-1

A. B.
1 2 1 1 2 1
C. x—1:y—2:z+1. D. x—1:y—2:z+1.
1 -2 -1 1 -2 1
Cau 169: Trong khong gian & hé toa do Oxyz. Viét pheong trinh cac it phang chia haidiém

A(1:0;0),B(0:-2;3) va cachtiém M (1;1:1) mot khaing king #
A x+y+z-1=0va23x-37y-17z-23=0. B. x+y+z-1=0 va2x-3y-7z-23=0.
C.x+2y+z-1=0 va23x-37y—-17z-23=0. D.2x+3y+z+1=0 va3x—-y+z-3=0.

Cau 170: Trong khdng gian & hé toa dd Oxyz, goi H la hinh chéu vudng goc ta diem A(2;-1-1)

dén mit phing (a):16x-12y- 1%~ 4= (. D¢ dai diadoan AH 1a.

A. AH =E. B. AH =2—2. C. AH =55. D. AH =E'.
25 5 5
Cau 171: Trong khong gian & hé toa d6 Oxyz, cho duong thing d c6 phrong trinh tham &
X=2+2
y=-3t ,tOR . Phrong trinh ndo saday la phrong trinh chinhic caad ?
z=-3+5

A x-2=y=2z+3. B. x+2=y=2z-3. C.
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Cau 172: Trong khdng gian & h¢ toadd Oxyz, cho A(2;0;0),B(0;2;Q C( 0;0;2 D( 2;2;k. Mt cau
ngaai tiép tr diégn ABCD c6é ban kinh ing.
A V3 B. 3. C. /3. p. Y2
2 3
Cau 173:Trong khong gian & hé toado Oxyz, cho niit cau tam | (4;2;-2) ban kinhR tiép xtc \6i mat
phing (P):12x- 5z-19= C. Ban kinhR bang.

A. R=3. B. R=£. C. R=13. D. R =309.

V13

Cau 174: Trong khéng gian & hé toadd Oxyz, cho miit phing (P):3x-4z-1=0. Mit ciu nao trong
cac it cau sauday khéng &t mat phang (P)?

A (x=1) +(y=3) +(z-1) =1. 8. (x-1) +(y-3) +2 :215‘
C. (w1 +(3-3) +2 = D+ (y+1) +(z=3) =

Cau 175: Trong khong gian & hé toa dd Oxyz, cho mit phang (P):3x-4z-1=0. Mat ciu nao trong
cac niit ciu sauday tiép xac Wi mit phang (P).

A (x=3) +(y-1) +2 =1 B. (x-1) +(y-3) +2 =1

C.x*+(y=3) +(z-1) =1. D. x*+(y-1) +(z-3) =1.
Cau 176: Trong khong gian & hé toa d6 Oxyz, cho diém A(4;-13 va duong thing
] x—1: y+1: z-3
2 -1
A. N (2-35). B. A(2;35). C. A(123). D. A(3,5;2).

d . Tim tpado diém ddi xang A’ cia A quad.

Cau 177:Trong khong gian & hé toadd Oxyz, cho mit cau (S):x° +y*+2°-2(x+y+2z)-22=0va
mit phing (P) :3x -2y + 6z+ 14= (. Khoang cachd tir tam| cia mit cau (S) téi mat phing () |a.
A. d=3. B. d=4. C.d=2. D.d=1.
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DAP AN
CHUYEN DPE 6

HE TOA PO TRONG KHONG GIAN

g0|m >

PHUONG TRINH M AT PHANG
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PHUONG TRINH PUONG THANG

H ﬁ =

33 |34 |35

h'J!H

41 | 42| 43| 44 4

g0|m >

PHUONG TRINH M AT CAU MAT CAU

ON TAP i
PHUONG PHAP TQA PQ TRONG KHONG GIAN
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