VIV 7 | S iasdian

CHUYEN PE CUC TRI HAM AN

Tic gia: Nguyén Minh Nhién
Nhom Gido vién Toan tiép sirc Chinh phuc ky thi THPT nam 2020

Trong dé thi THPT qudc gia nhitng nim gan ddy hay dé tham khdo thi tot
nghiép THPT nam 2020, cac bai toan vé xac dinh cyec tri cua ham s6 cho boi bang
bién thién, dd thi hay dao ham cua no (ta van goi 1a cuc tri ham an) thuong gay kho
khan cho nhiéu thi sinh. Bai viét nay s& gitp cac em c6 tim ra huong tiép can don
gian nhat dé giai quyét cac bai toan do that d& dang.

1. Dya vao biing bién thién hoiic dd thi ham f'(z) xdc dinh s6 lin déi diu cia f'(z).

Néu xac dinh duge s6 1an doi dau tir (+> sang (—) cua f’ (:v) ta s€ xac dinh duoc $6
diém cyc dai cua f (m), s6 1an ddi dau tir (—) sang (+) cua f’ (x) ta s& xac dinh duoc s6 diém
cuc tiéu cia f (:p)

* Li thwong gip: Dém thira diém ma qua d6 dao ham khong ddi dau.
Ciu 1: (Dé tham khio thi t6t nghi¢p THPT nim 2020 lin 1) Cho ham sé f (ac) co bang xét
diu cua f’(:v) nhu sau:

x | —00 -1 0 1 400
y | + 0 - 0 - 0 +
S6 diém cuyc tri cua ham sé da cho la
A. 0. B. 2. C.1. D. 3.
Loi giai

Chen B
D@ thay, f’(x) mot 1an d6i dau tir (+> sang (—) va mot lan d6i dau tir (—) sang (+) nén
ham s6 ¢6 hai diém cuec tri.

2. Cuec tri ham ¢ (x) =f (u (m)) .
Pé xé4c dinh sb cuc tri ctia ham g (:v) = (u (x)) ta thuong hudng dén viéc xét ddu
o' (w) = (2) £ (u(s)).
Néu ¢’ (z) ddi déu z, € TXD ctia g(z) thi z, la diém cyc tri. Trudng hop don giankhi f(z),u ()
la ham da thrc thi nghi¢m don va nghiém boi 1¢ 1a cac diém cyc tri ctia g(z).

* Lbi thwong gip: Nham 14n giita nghiém bg chén va nghiém boi 1¢.
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au 2: (Pé tham khao TNTHPT lan 1 nim 2020) Cho ham s
bac bén y = f(z) 6 dd thi nhu hinh v&. 86 diém cyc trj cta ham

s6 g(a:): f(x3 —|—3x2> 1a

B. 3.

A. 5.
C. 7. D. 11.

Loi gidi

Cioa C o i
Tir @ thi suy raham sé y = f (ac) c6 3 diém cyc tri
r, <0<z, <4<z,
Xét ham sb g(m) = f(a:3 + 3x2) ,taco g'(x) = (33:2 + 6x)f’(x3 + 3x2>
/<) 0 32° + 62 =0 x:02
Jlz)=0&],,,/ , , & |r=—
- +3z7 ) =0
f( ) 2’ + 32" =x,i=123
Ta c6 @6 thi ham sé y = 2° + 327 Ya I
T=1;

Ta c6 nhn xét ring phuong trinh z° + 32° = 2, ¢6 1 nghiém; /.\40

i T=1,

phuong trinh z° + 3z° = z, ¢ 3 nghiém; phuong trinh
z* +32® =z, 6 1 nghiém ca 5 nghiém nay d6i mot phan biét, déu

khac 0;—2. 3 -2 0

Nhu viy, g'(z) =0 c6 7 nghiém don phén biét i

Do d6 ham sb g (:p) c6 7 diém cuec tri.

Ya

Sb diém cuc dai cia ham sd g (x) =f (:v3 — 3:5) 1a
A. 5. B. 2. C. 3. D. 4.

T=I

Céu 3: Cho f(z) 1a da thic bac 4 va ham s y = f'(x) c6 dd thj 1a dudng cong nhu hinh v&.
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Ta co g’(z) = (3:v2 — 3)f'(a:3 — Sx), g'(a:) =0<

(1) & o = +1.
. T —3p ——2
Dua vao do thi da cho thi (2) < |
T =
r=1
Trong d6 phuong trinh 2° — 3z = -2 < 5
T=—

Con phuong trinh: 2> — 3z =1 c6 3 nghiém phan biét: —2 < T, <-1, 1<z, <0 va
<z <2
Ta c6 bang bién thién ctia ham sb ¢ (x)

T |—oc0 —9 1 —1 o 1 T3 400
J(z) -0 — 0 4+ 0 -

g(w>\/\/\/

Vay him 6 g(z) c6 2 diém cuc dai.
3. Cye trj ham g(z) = f(u (a:)) +0(z).
Pé xdc dinh s6 cyc tri cia ham g(z) = f (u (x)) +v() ta cn xét ddu
gl(x) = u’(x)f’(u (x)) + o' (a:)
+ Huoéng 1: Xét ddu ¢'(x) dua vao d thi hai ham y = u'(z) f'(u(x));y =/ (z)
+ Huéng 2: Pua v/ (2) /' (u(x)) + o' (z) vé dang tich.

* Lbi thwong gip: Xac dinh sai dau hodc nham 1an giita nghiém bd chin va nghiém boi 1é.
Cau 4: Cho ham s6 y = f(z) c6 dao ham lién tuc trén R . D6 thi ham s6 y = f/(x) nhu hinh v&.

S6 diém cuc tri ciia ham s6 y = f(z) — 5z 1a Ya
A. 3. B. 4. y=1"(x)
C.1. D. 2. 44
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Loi giai

Tacod y = f(z)—5z.Suyray' = f'(z)—5.

Dua véo d6 thi ta c6 y = f/(z) cat duong thang y = 5 tai ding mot
diém z, (x, 1a nghiém don cua phuong trinh f(z) =5).

Vay ham s6 y = f(z) — 5z c6 dung 1 diém cuc tri.

. . . . -1
Céu 5: Cho ham s6 y = f(z) 1a ham da thirc bac bén c6 db thi ham s6 /

3
y = f’(m) nhu hinh bén v&. Ham s6 g(z) = f(z) — % + 2’ —x +2 dat

cuc dai tai diém nao?
A,z =1.

B.z=-1.
C.z2=0. D. z

2.

Loi gii
Tacod g(z) xac dinh trén R va ¢'(z) = f'(z) — (z — 1)°.
S6 nghiém ctia phuong trinh ¢'(z) = 0 bang sd giao diém ciia hai d thi

y = f'(z) vaparabol y = (z —1)*; ¢'(z) > 0 khi dd thi y = f/(z) ndm trén

parabol y = (z —1)* va nguoc lai.

z=0
Tir d6 thi suy ra ¢/(z) = 0 < |z = 2 nhung ¢/(z) chi d6i ddu tir duong sang
r=1

am khi qua 2 = 1.Do d6 ham sb dat cuc daitai z = 1.

4. Dya vao bién doi do thi
Cho ham s6 y = f(z) c6 dd thi (C)va a > 0.Khido6

+ Tinh tién (C') lén trén a don vi ta duoc dd thi ham s6 y = f(z)+a.
+ Tinh tién (C') xubng dudi a don vi ta dwgc dd thi him s6 y = f(z)—a.
+ Tinh tién (C) sang trai a don vi ta duoc dd thi ham s6 y=f (x 4+ a).
+ Tinh tién (C) sang phai a don vi ta duoc db thi ham s6 y = f(a: — a) .
+ Ly déi xtmg (C') qua Oz ta duge db thi ham sb y = —f ().
+ Liy déi xtmg (C) qua Oy ta duoc do thi ham sb y = f(—a:).

* Loi thwong gap: Bién doi do thi sai.
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GIAO DUC QUSC GIA
* Pic biét
1) Voi ham y = \ f(x)‘ (c6 thé m& rong voi ham y = \ f(z)- m‘)
S6 diém cuc tri ciia do thi ham sé y = ‘ f (x)‘ bang tong sb giao diém cua dd thi ham sb
y = f(z) v6i Oz vasb diém cyc tri khong thudc Oz cia dd thi ham s6 y = f(z).

2) Véiham y = f(‘x‘) (c6 thé mé rong v6i ham y = f(‘x‘ + m))

S6 diém‘cu:c tri cua l‘lém s61a 2k +1 trong d6 k la s6 diém cuec tri du’(mg.’
Cau 6: (Deé thi thir 1an 2 - S¢ GDDPT Ha Nogi niam 2020) Cho ham so
y=az’ +ba* + cx +d v6éi a = 0 co dd thi nhu hinh v&. Diém cuc dai cua d6
thiham sb y = f(4—2)+1 Ia

A. A(5;4). B. B(3;2).
C. C(—3;4). D. D(5;8).
Loi giai

Tir d6 thi ham s6 f (=) ta thyc hign céc phép bién doi
fz) = f(=z) = f(a=2) = F{a-a)+1.
Suy ra dd thi ham s6 y = f(4 — z)+ 1 c6 diém cuc dai la A(5;4).

4 Y y y
3y w V=l g

5/—>

[ 1 . \/ ] S— l \/ 0 | 3

Céu 7: Cho y = f(z) 1a ham da thirc bac bon c6 dd thi ham s6 y = f'(z) nhu hinh bén v&. Hoi

y=f(4-z)+1

—_

5

hamsb y = f (‘x‘) ¢6 bao nhiéu diém cuc tri?

A 5. B. 3.
C. 2. D. 4.

Loi giai
Chon A "

Tir d6 thi ham s6 cua [ (m) ta thiy f (x) c6 hai cyc tri dwong nén ham

s6 y = f(‘a:D co 5 cuc tri.
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au 8: (Pé thi thir 1an 2 — Chuyén PH Vinh lan 1 niim 2020)

Cho f(a:) =az' + bz’ + ca® +dz + e(ae < O). D6 thi ham s Ya
y = f'(z) nhu hinh v& Ham s6 y = ‘4 f(z) = 2?| c6 bao nhiéu diém  y=f'(x)
cuc tiéu?
A. 3. B. 4.
C.2. D. 5. Lt-f----- :
Loi giai 10 | T
ChonA =
Xétham sb g(z) = 4f(z) - 2”. -
o _ / . _ / _ 7T
Tacog(a:)—4f (:v)—?x,g (a:)—()(:)f(x)—g i
A 1:1a ) / < \ 2 T 12 ; y:f’(l')
D6 thithamso y = f (:c) cat duong thang y = 5 tai cac diém co
x
hoanh @6 —1;0;2. =5
1 e
Béng bién thién cua g(:p) '11 0 oz
x —00 —1 0 2 +00 /1.1 2

e "
W TN

—o0

Tir dd thi ctia f'(z) = a <0 ma ae < 0= e>0= g(0)=4f(0) = 4e > 0.

Nhén thiy g(z) c6 1 diém cuc tiéu va d thi ham s6 y = g(z) cat truc hoanh tai hai diém

phan biét nén ham sb y = ‘ g (a:)‘ c6 3 diém cuc tiéu.
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v N’ GIAO DUC QUOC GIA
BAI TAP TU LUYEN

. y
Cau 1: Cho y = f(x) 1a ham da thte bac 5 ¢6 d thi ctia ham y = f (x) nhu \ ‘ /\/
hinh v& dudi day. S6 diém cuc tiéu ctia ham sé y = f (:x) la . .
Al B.O. g g 2w
C.2. D. 3.
Cau 2: Cho y = f(x) 1a ham da thte bac 5 ¢6 dd thi ctia ham y = f (x) nhu
hinh v& duéi day. S6 diém cuc tiéu cia ham sé y = f (x) la 4
YA
1
-1 O 1 T
S6 diém cuc tri cua ham sé y = f (x) la
A 4. B.0. C.2 D. 3.
Céu 3: Cho ham sb f (a:) ¢6 bang bién thién nhu sau
z | —o0 —1 0 2 +00
y/ + 0 — 0 + 0 —
1 \ 1
Y / 9 / \
— 00 — O
Ham s y=1f (3 — x)dat cuc dai tai
A.z=-1. B.x=2.
C.z2=0. D.z=3.
Céu 4: Chohamsb y = f(a:) = az’® + bz’ + cx + d cb cac diém cuc Y
tri la 0;a (2<a<3) vacodd thi la duomg cong nhu hinh vé. Dt y=/(x)
g (x) =f (f (:L')) . S6 diém cuec trj ciia ham s 1a
A. 2. B. 8. 0
D.6. 6 -
0] \i/ T
1 1

C. 10.
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Céu 5: Cho ham sb y = f(x) = az’ + bz’ + ca® + dz + e. Biét
ring ham s y = f'(z) lién tuc trén R va 6 dd thi nhu hinh v& v,

bén. Hoi ham sb ¢ (:v) =f (2:c — x2) ¢6 bao nhiéu diém cuc dai?

y=f(z)
/N

/4 ol IN1 &

A. 5.
C. 1.

B.
D.

Céu 6: Cho f(z)= 2"+ az® + ba’ + cz +d vahamsd y = f'(z) 6 dd thi

Lo . . Y
la dudng cong nhu hinh vé. SO diém cuc tri cia hamso y = f [ f’ (:v)} la 1
A.T. B. 11.
C.9. D. 8. S

-1 O 1 T

Céu 7: Cho y = f(z) 1a ham da thirc bac 5 c6 d6 thi ham s6

. . )
Y= f’(m) nhu hinh v&. Dt g(x) = f(‘:z:‘ + m) C6 bao nhiéu gia 1 f02)
. . . . y=rz
tri nguyén cia tham s6 m dé ham so g(x) c6 dung 7 diém cuc \
tri? /’\
A.2. B.3. 3\_/-1 [0 2 5 o
C. 1. D. Vo sb.
Céu 8: Cho ham s6 y = f (x) c6 dao ham dén cip hai trén R va
£(0)=0; f"(z)> L s cR.Biéthamsé y— f'(z) c6 @b thi nhu
) 6 ) * g y A
hinh v&. Ham sd ¢ (3:) = ‘f(xZ) — ma|, véi m 1a tham sé duong, c6 nhiéu 5 y=f'(z)
nhét bao nhiéu diém cuc tri? .
A1 B. 2 gl |
C.5 D. 3 | |
N
0 1 2 4 =z

43 Nguyén Chi Thanh, Quéan Ba Binh, HA Noi

DT: + 84 24 62831777 Fox: + 84 24 62831777
Email: viv7@vivvn  Website: www.viv7.gov.vn




VIV 7 | S iasdian

Cau 9: Choham s y = f () 1a ham da thirc bac bén thoaman £(0) f(2) < 0

Biét ham s6 y=f'(z) c6 b thi nhu hinh v& Ham s6

¢d bao nhiéu diém cuec tri? 1

8.
3.

o(o)=|ple) + 5 -2

A. 7. B.
C.5. D.
Céu 10: Cho ham s y = f(a:) c6 dao ham trén R va dd thi ham sb y = f/(:v) cét truc hoanh tai
cac diém c6 hoanh do —3;—2;a;b;3;¢;5 véi —% <a<-Ll<b< %;4 < ¢ <5 c6 dang nhu

hinh v& bén duéi. C6 bao nhiéu gi4 tri nguyén ciia m dé hamsé y = f (2\3:\ +m— 3) c6 7 didm

cuc tri?
YA
AN /\ .
3 -2 a O b 3 c 5 T
A. 2 B. 3 C. 4 D. V6 so
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PAP AN
Y
Cau 1: Cho y = f(x) la ham da thirc bac 5 c6 d thi cia ham y = f'(z) /\/
nhu hinh v& duéi day. S6 diém cuc tiéu cia ham s6 y = f(x) la 1l ol /1 2 =
A. 1. B.0.
C. 2. D. 3.
Loi giai A

Tir d6 thi ctia ham sé y = [ (:v) ta thiy dao ham f’ (x) d6i dau tir
(—) sang (+) dung 1 lan.
Vayhamsé y = f (m) ¢ 1 diém cuyc tiéu.

Chu 2: Cho y = f(z) la ham da thirc bac 5 c6 dd thi cia ham y = f'(=) nhu hinh vé dusi day.

YA
1
-1 0 1 x
S6 diém cuec tiéu ciia ham s6 y = f (x) la
A. 4. B. 0. C.2. D. 3.

Loi giai
Tir @ thi ham sé y = f/(x) suy ra f/(x) > 0,Vz. Do d6, ham sé y = f(:z:) khong co cuc
tr1.
Céu 3: Cho ham sb f (x) ¢6 bang bién thién nhu sau
T | —00 —1 0 2 400
y' + 0 - 0 + 0 -

LN

Ham s6 y=1f (3 — x)dat cuc dai tai

A.z=-2. B.z=4. C.z=-3. D.z=3.
Loi giai

Chign's

Thyc hién céc bién déi f(x) — f(-z) — f(3 - =).
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Piém cuc dai cua f(a:) la —1;2 — Diém cuc dai cua f (—a:) 12 1;—2 — Diém cuc dai cua

f(3—2)1a 451
Céu 4: Cho ham s0 y = f(z) = az® + b2’ + ez + d c6 céc diém cuc tri 14 O;a (2 <a <3) va
c6 do thi 1a duong cong nhu hinh ve.

Yy

3 y=f(z)

[N}
. /=)

S
—_
y
8

bat g (x) = f(f(a:)) S6 diém cuc tri ctia ham sé 1a
B. 8. C. 10. D. 6.
Loi giai

>
X

o'(2) = 1'(#(x))'(2)

/ / / "(flz))=0

o (e)=0e 1(f(z).f'(z)=0 & f’Ex>(—))O
f(a: =0

o i(i):a,(2<a<3).

f(z)=0 c6 3 nghi¢m don phan biét ,, z,, z, khic 0 va a.
Vi2<a<3nén f(x): a ¢6 3 nghiém don phén biét z,, z_, =, khac z , z,, z,, 0, a.
Suyra ¢’ (x) = 0 ¢6 8 nghiém don phén biét.
Do d6 ham s6 g (m) c6 8 diém cuc tri.

Céu 5: Cho ham s6 y = f(x) = az' + bz’ + ca® + dz + e. Biét rang ham s6 y = f’(m) lién tuc

trén R va c6 dd thi nhu hinh v& bén. Hoéi ham s ¢ (x) =f (23: — a:Q) ¢6 bao nhiéu diém cuc dai?
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2 — 1" =—4 z=1

Ta co y'=(2—2x).f’(2x—x2)=0<:> op 2% =1 & 1i\/g'
= =
20 —1° =4
T —00 1_\/3 1 1+\/§ +0o0

2 —2x + | + 0 — —
f'(2-22) - 0 4+ | + 0o -
q'(x) - 0 4+ 0 - 0 +

Suy ra ham s6 ¢6 1 cuc dai.
Céu 6: Cho f(z)= 2" + az’ + ba” + cx + d vahamsé y = f'(z) c6 dd thi 1a dudng cong nhu

hinh vé.
YA /
/1 0] 1 z

Sb diém cuc tri cia ham s6 y = f[f'(x)} 1a
AT, B.11. C.9. D. 3.

Loi gidi
Chon A

Tir db thi va gia thiét suy ra f’(a:) = x(x2 — 1) =z —z= f”(a:) =3z —1

Ta co g’(x) = (f[f’(a:)])/ = f’[f’(a:)].f”(a:) = (x3 — :1;)3 — (x3 — :v)

(82> —1)
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= x(x—l)(x+1)(x3 —a:—l)(x3 —x+1)(3x2 —1)

r=0 z=0
z=1 r=

=-1

1 t
9/(51?):0<Z>x & |z =a(x0,76)
' —r—1=0 ’
P p 1m0 z="b(b~—132)
3z —1=0 :1:::|:L
3

Do d6, ham sé g(x) ¢o 7 diém cuc tri.
Céu 7: Cho y = f(z) 1a ham da thirc bac 5 c6 dd thi ham s6 y = f'(z) nhu hinh v&. Dt

g (x) =f (‘x‘ + m) C6 bao nhiéu gia tri nguyén ctia tham sé m dé ham sé g (a:) c6 dung 7 diém

cuc tri?
Ya
\ y=f'(z)
-3 1o 2 5
A. 2. B. 3. C. 1. D. Vo sb.

Loi giai

tach ofo)= ()= [ 0020

Do hamsb y = f (a:) xac dinh trén R = Ham sb ¢ (ac) xac dinh trén R

Vatalaicod g (—:z:) = f(‘x‘ + m) =g (m) = Hamsb g (ac) 1a ham s6 chin = D6 thi ham sb
Y= g(x) dbi xtmg qua truc Oy .

Ham sé y = g(a;)c() 7 diém cyc tri < Ham s6 y = g(x) ¢6 3 diém cyc tri duong, 3 diém

cuc tri am va mot diém cuc tri bang 0

Dua vao d6 thi ham sé y = f’(x), ta co: f’(x) =0
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GIAO DUC QUOC GIA

Xét trén khoang (0; +oo) ,tadugcyg (a:) =f (:1: + m)
+Ta cég’(w) = f’(x + m)

z+m=—3 zZ=-m—3
L 0 r+m=-—1 r=-m-—1
=U<= =

T+m=2>5 T=-m-+5H

+Nhan thly —m -3 <-m—-1<-m+2<-m+5

\ . —-m—-1>0
Theo yéu cau bai toan < S -3<m<-1&

m € Z
m € {—3;—2}

—-m—-3<0
Céu 8: Cho hamsb y = f(x) c6 dao ham dén cap hai trén R va f(O) =0, f”(x) > —é,Vm €R

-Biét ham s6 y = f'(z) c6 46 thi nhu hinh v&. Ham s g(:l:) = ‘ f(a;Q) — ma|, v6i m 1a tham sb

duong, c6 nhi€u nhat bao nhiéu diém cuc tri?

yl\
y=f(z)
;7 S ,
3l |
NS
O 1 2 4 =z
A1 B. 2 C.5 D. 3
Loi giai

Tir dd thi ham s6 y = f'(z) suyra f'(z) > 0,¥a € (0;400).
Do do, f' (xQ) > 0,Yz € (0;+00).

Xét ham s6 h(z) = f(:f) —ma; b (z) = 2x.f’(a:2) —m.
Véi z <0, h'(a:) < 0 = Phuong trinh h’(x) = 0 vO nghiém.

Voi 2> 0taco b (z) = 2f’(:c2) + 4:c2f”(x2) > 2f’(x2) _ =
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VIV 7 | S iasdian

Tir d6 thi ham s6 y = f/(x)ta thiy véi z>0, d6 thi ham so

yl\
)
Y= f’(m)luf)n nam trén dudng thing y = g 5 y—f(x)
. 1.2 2z 7 . 4 i
Do do, 2f (x)—?zo,vzzoﬁh (x)EO,VxZOhayhamso |
37 !
y = h’(m)déng bién trén (0;+oo>. ; |
Ma h'(0)=-m <0 va lim h'(z)=+oc0 nén phuong trinh X i =
T—+00 -l E
h'(a:) = 0 c6 mot nghiém duy nhét T, € (O;+oo) — .
Bang bién thién o] 1 2 4 =z
T | —00 0 z, 400
Y - - o+

\ B /

Khi d6 phuong trinh A (2) = 0 c6 2 nghi¢m phan biét.
Déng thoi ham sb y=n~h (x) dat cuc tiéu tai = = T, , gia tri cyc tiéu h (:L'O) <0.
Vay ham s6 Y= ‘h(x)‘ c6 3 diém cuec tri.

Cau 9: Cho ham s6 y = f(x) la ham da thrc bic bén théaman £(0) f(2) < 0

Biét ham s y=f'(z) c6 db thi nhu hinh v& Ham s6

¢6 bao nhiéu diém cuc tri?

o(o) |l + 2 -2

A T.
C.5

o @

Loi giai
Chon A

Xét ham sb h(a:) = f(x2> +%4_2$2;

h'(x) = 2$.f’($2> +22° — 4z = Qx[f'(:cZ) + 7’ —2}.
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VIV 7 | S iasdian

Tr d6 thi ham s6 y = f'(z) vahams6 y = —z 42 suyra y=f'(z)
f’(x>+x—2>0,Vx€<2;+oo) va f’(:v)+x—2<0,Vx€(—oo;2).

Dodo, f'(2*)+2* ~2<0 6 2* <24 —2 <z <2. 1

Ta c6 bang bién thién

Tur gia thiét f(0)f(2) < 0 suyra g(z) cit truc hoanh tai 4 diém phan biét va ham s6 g(z)
c6 3 diém cuc tri do d6 ham sb A (x) = ‘g(:c)‘ c6 7 diém cuc tri.
Céu 10: Cho ham s6 y = f(z) c6 dao ham trén R va dd thi ham s6 y = f’(:c) cét truc hoanh tai
cac diém c6 hoanh d6 —3;—2;a;b;3;¢;5 voi —% <a<—-Ll<b< %;4 < ¢ <5 co6 dang nhu
hinh v& bén dudi. C6 bao nhiéu gia tri nguyén cia m déhamsd y = f (2 ‘x‘ +m — 3) ¢6 7 diém
cuc tri?

'y

~ \ AN
b\ /3\ [c \5 =z

-3 —2Va 0]
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Tur hinh v€ ta théy ham sd y=f (x) dat cuec trj tai cac diém —3;—2;a;b;¢;5.

Xéthamsb y = g(a;) = f(2‘a:‘ +m — 3)
g’(a:) = %.f’(2‘x‘ +m — 3).
Khi d6, dé xac dinh sé diém cuec tri cua ham sb y=g (x) ta can xac dinh s6 nghi¢m cua hé

z=0
2‘:/3‘ +m-3€ {—3;—2;@;1);0;5}

z=0
H —m m—l—l a+3-—m b+3-—m c+3—-—m m+38
’ 2 ) ’ 2 T2
bat
—m —m+1 a+3—m b+3—m c+3—m m—+ 8
T=——T, = T, = jx, = ;T = T, = .
2 2 2 2 2 2

Tacobz <z, <z, <z, <7 <7I[.

Voimdi i =1;2;...;7

Néu z, > 0 phuong trinh |z| = z, ¢6 hai nghiém phén biét z = £z, din dén z = +z, 1a
hai diém cyc tri cia ham s6 y = ¢ (x)

Néu r, = 0 phuong trinh |z| = z, ¢4 duy nhit z = 0, din dén = = 0 13 diém cuc tri caa

ham sd y = g(x)

Néu r, < 0 phuong trinh |7| = z, v nghiém.

Do d6, ham sb y = g(a:) ¢6 7 diém cyc tri

a+3—m
s <0<y & 2 Sa+3<m<b+3=-14+3<m<—-+3.
3 4 b—|—3—m>0 3

Vay c6 3 gia tri nguyén cia m thoa man la 2;3;4.
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