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Cau 1.

PHAN A. CAU HOI

Dang 1. Tim cure tri ciia ham so dua vao bang bién thién, do thi ciia ham so dé

(MD 105 BGD&DT NAM 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

X |—oo ] 2 +a0

Ly + 0 — o +

2
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Ménh dé nao duéi day dung?
A. Ham sb dat cuc tiéu tai x =5 B. Ham sb ¢6 bdn diém cuc trj
C. Ham s6 dat cuc tiéu tai x=2 D. Ham s khong c6 cuc dai
Cau2. (PE THAM KHAO BGD&DT NAM 2018-2019) Cho ham s6 y = f(x) c6 bang bién thién nhu

sau

Gia tri cuc dai ctia ham sd di cho bﬁng
A. 5 B. 2 C.0 D.1

Cau3. (Mai dé 104 BGD&DPT NAM 2018) Cho ham s ¢ dd thi nhu hinh v& bén. S6 diém cuc tri cua
ham sb di cho la:

-

A.3 B. 1 C.2 D. 0
Ciud. (MA DE 110 BGD&DPT NAM 2017) Cho ham s y = f'(x) c6 bang bién thién nhu sau

x| —IC -2 2 —+ar
r

v + 0 - 0 +

Tim gié tri cuc dai y., va gia tri cuc tiéu Yer cua ham s6 da cho.
A Vep=2va Yer =0 By =3 va yo, =0
C.Vep=3Va Yor =-2 D. yop=—2 va yo; =2
Cau5. (Mi 103 - BGD - 2019) Cho ham sd f(x) c6 bang bién thién nhu sau:

X —o 1 3 +x

fx) + 0 - 0 +

: 3
fx) B / \_2 //V+::c

Ham s6 dat cuc dai tai:
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A, x=-2. B. x=3. C.x=1. D.x=2.

Cau 6. (MD 103 BGD&PT NAM 2017-2018) Cho ham sé y =ax* +bx>+¢ (a, b, c € R) c6 d thi nhu

hinh v€& bén.

Y

O x
S6 diém cuc tri cua ham sé da cho 1a
A. 3 B. 0 C.1 D. 2

Cau7. (Mi 102 - BGD - 2019) Cho ham sé f (x) c6 bang bién thién nhu sau:

X —0 1 3 +4

fix) - 0 + 0 -

F | \_2 / 2 \_r

Ham s dat cuc dai tai
A. x=-2. B. x=3. C. x=1. D. x=2.

Cau8. (MA PE 123 BGD&DT NAM 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

— oo —1 (4] 1 + oo

¥ - 0 + 0 - 0 +

J\D/ \O/g

M¢énh dé nao dudi day sai
A. Ham s0 c6 gia tri cuc dai bang 3 B. Ham s0 c¢6 hai diém cuc tiéu
C. Ham s0 co gia tri cuc dai bang 0 D. Ham so c6 ba diém cuec tri

=

Cau9. (Mai dé 104 - BGD - 2019) Cho ham sb f(x) c6 bang bién thién nhu sau:

X |—w 1 3 +a
f'(x) + 0 - 0 +
2 +x
| N T
— -2

Ham s0 da cho dat cuec tiéu tai
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A, x=2. B. x=-2. C.x=1. D. x=3.

Cau10. (M3 dé 102 BGD&DPT NAM 2018) Cho ham s y=ax’ +bx’ +cx+d (a,b,c,d eR) ¢6 6 thi
nhu hinh vé& bén. S6 diém cuc tri cua ham s6 nay la

»

A,
y

u

w

A. 3 B. 2 C.0 D. 1
Cau1l. (Mai dé 104 - BGD - 2019) Cho ham s6 y = f(x) co6 bang bién thién nhu sau:
x| -« -1 0 1 +a0
() - 0 + 0 - 0 +

. “”\0 /'3\0 /'“”

Hoi ham sb nghich bién trén khoang nao sau day?
A. (0;1). B. (1;+). C. (-1,0). D. (0;+x)

Cau 12. (Mai dé 101 - BGD - 2019) Cho ham s6 f(x) c6 bang bién thién nhu sau:

Ham s6 da cho dat cuc tiéu tai
A. x=-1. B. x=-3. C.x=2. D. x=1.

Cau 13. (M4 dé 101 BGD&DT NAM 2018) Cho ham s6 y =ax’ +bx’ +cx+d(a,b,c,d €R) c6 do thi

nhu hinh vé bén. SO di€ém cuc tri cua ham so da cho la

yH
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A. 2 B. 0

C.3

D. 1

Cau 14. (PE THAM KHAO BGD & DT 2018) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

x | —> 2 +a
V' - + 0 -
+ax 5
—a0
Ham sb dat cuc dai tai diém
A. x=1 B. x=0 C.x=5 D.x=2

Cho hamsé y = f (x) xac dinh, lién tuc trén doan [—2;2] va ¢6 do thi 1a dudng cong trong hinh v&

bén. Him s6 f (x) dat cyc dai tai diém nao dudi day

A, x=-2. B. x=-1.

Dang 2. Tim cuec tri ciia ham s6 khi biét y, y’

*y

o — — — — ==

C.x=1.

(PE MINH HQA GBD&DT NAM 2017) Tim gid tri cuc dai y ctahamsé y=x"—3x+2.

A. Yo =1 B. ys =4

g . 2x+3
(MD 104 BGD&DT NAM 2017) Ham s6 y = X "
X+

A. 1 B. 3

x*+3

x+1

Cho ham sb y =

A. Cuc tiéu cua ham so6 bang —3
C. Cuc tiéu cuia ham so bang —6

(PE THAM KHAO BGD&DPT NAM 2018-2019) Cho ham sd

C. Ve =1

C.0

. Ménh dé nao duéi day dung?

D. yi =0

¢6 bao nhiéu diém cuc tri?

D. 2

B. Cuc ti€u cua ham so bang 1

D. Cuc tiéu cua ham so bang 2

f(x) c6 dao ham

f'(x)= x(x—1)(x+2)%, Vxe R. S6 diém cuc tri cia ham s da cho 1a

A. 1 B. 3

C.2

D. 5
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

(Ma d& 101 - BGD - 2019) Cho ham s f(x) c6 dao ham /'(x)=x(x+2)",VxeR S diém cuc

tri ctia ham sb da cho 1a
A. 2. B. 1. C.0. D. 3.

(M3 103 - BGD - 2019) Cho ham s6 f(x) ¢6 dao ham f"(x)=x(x-1)", VxeR. S diém cuc
tri cia ham sé da cho la

A. 2. B.0. C. L D. 3.

(M3 d@ 104 - BGD - 2019) Cho ham s6 £ (x) c6 dao ham f'(x)=x(x+1)’, VxeR. S5 diém

cuc tri ciia ham sb da cho 1a
A. 1. B. 2. C. 3. D. 0.

(M4 102 - BGD - 2019) Cho ham sb y= f(x) c6 dao ham f'(x)=x(x—2)*, VxeR. S6 diém
cuc tri ctia ham sb di cho 1a
A. 0. B. 3. C.2. D. 1.

(THPT LE QUY PON DA NANG NAM 2018-2019) Cho ham s6 f(x) c6 dao ham
f'(x)=x(1- x)2 (3 —)c)3 (x— 2)4 véi moi x € R. Piém cuc tiéu cua ham sb da cho 1a

A. x=2. B. x=3. C. x=0. D. x=1.

(THPT CHUYEN SON LA NAM 2018-2019 LAN 01) Cho ham s f(x) c6 dao ham
f(x)=x*(x=1)(x-2),VxeR. S6 diém cyc tri cia ham s6 da cho la

Al B. 3. C.5. D.2.

(MPE 04 VTED NAM 201820199 Ham s6 y=/(x) 6 dao ham
f'(x) = (x—l)(x - 2)...(x - 2019) , VxeR.Hamsb y= f(x) c6 tat ca bao nhiéu diém cuc tiéu?
A. 1008 B. 1010 C. 1009 D. 1011

(SO GD&PT BAC GIANG NAM 2018-2019 LAN 01) Cho ham s6 F'(x) 1a mot nguyén ham
ciia ham sb f(x)=2019" (x2 —4)(x2 —3x+2). Khi d6 sb diém cuc tri ctia ham sb F(x) la

A.S. B. 4. C.3. D. 2.

D6 thi ham s6 y = —x* +3x ¢o diém cuc tiéu la:

A. (-1;-2). B. (1;0). C. (1,-2). D. (-1,0).

(THPT YEN PHONG 1 BAC NINH NAM HOQC 2018-2019 LAN 2) Ham s6 £ (x) c6 dao ham
f'(x)=x(x+1)(x— 2)’, VxeR. Hoi f(x) 6 bao nhiéu diém cuc dai?

A. 2. B. 0. C. 1. D. 3.

(CHUYEN HUNG VUONG GIA LAI NAM 2018-2019 LAN 01) Biém cuc dai cia d6 thi ham

s6 y=x’—6x> +9x c6 téng hoanh d6 va tung do bang
A. 5. B. 1. C. 3. D. -1.
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

(THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 02) Tim gié trj cuc tiéu y,, ctia ham sb
y=—x +3x—4.

A. yo, =—6 B. yo, =1 C.Vop=-2 D. y., =1

(THPT CU HUY CAN NAM 2018-2019 LAN 01) Cho ham s6 f(x)cé dao ham la
f(x)=x(x-1)(x+ 2)2 Vx e R. S6 diém cuec tri cua ham sb 1a?

A. 5. B. 2. C. 1. D. 3.

(THPT CU HUY CAN NAM 2018-2019 LAN 01) Gia tri cuc tiéu y., clia ham sb
y=x =3x*+4 la:

A. v, =0. B. y.,=3. C.y,=2. D. y.,=4.

(SO GD&PT BINH PHUOC NAM 2018-2019 LAN 01) Cho ham s f(x) c6 dao ham
f'(x) = (x—l)(x—Z)2 (x—3)3 (x—4)4 , Vx eR. S diém cuc tri cuia ham s di cho la

A.3 B. 5 C.2 D. 4

(LIEN TRUONG THPT TP VINH NGHE AN NAM 2018-2019) D6 thi ham s6 y =x* — x> +1

¢ bao nhiéu diém cyc tri ¢6 tung do 1a $6 duong?
A. 3. B. 1. C.2. D. 0.

(HSG BAC NINH NAM 2018-2019) Ham sb nao dudi day khéng c6 cuc tri?
x*+1

A.y= B.yzzx_2
X x+1

C. y=x"-2x+1 D. y=—x"+x+1

(THPT GIA LQC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s f(x) c6 dao ham
f(x)=x(x-1)(x- 2)2 ,Vx e R. S6 diém cuc tri ciia ham s6 da cho 1a

A.S. B.2. C. 1. D. 3.

(THPT BA DINH NAM 2018-2019 LAN 02) Cho ham sé y=f(x) c¢6 dao ham
f'(x)= (x—2)()c2 —3)(x4 —9). S6 diém cuc tri cia ham s6 y = f(x) la

A. 3. B. 4. C.2. D. 1.

(THPT BA PINH NAM 2018-2019 LAN 02) Cho ham sé y = x* —2x? +1. Xét cic ménh d& sau
day

1) Ham s6 c6 3 diém cuyc tri.

2) Ham s dong bién trén cac khoang (=10); (1;+0).

3) Ham s6 o 1 diém cuc trj.

4) Ham s6 nghich bién trén céc khodng (—o0;-1); (0;1).

C6 bao nhiéu ménh dé diing trong bén ménh dé trén?

A.2. B. 1. C.4. D. 3.
(THPT BA DINH NAM 2018-2019 LAN 02) Tim gia tri cuc dai cia ham sé y = x* —3x* -2.
A. 2. B. 0. C.2. D. 1.
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Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Néu ham s6 f(x) ¢6 dao ham
a f'(x)=x"(x— 2)(x2 —x—2>(x —H)4 thi tong céc diém cyc tri ctia ham s6 f(x) bang
A. —1. B.2. C. 1. D. 0.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Ham sb
1

y =Zx4 —%f —%xz —3x+2019m (m e R) dat cuc tiéu tai diem:

A. x=3. B. x=-3. C. x=1. D. x=-1.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Diém cuc dai ciia d6 thi ham
s6 y=—x’+3x+1 la:
A M(-1;-1). B. N(0;1). C. P(2;-1). D. O(1;3).

(SO GD&PT NINH BiNH LAN 01 NAM 2018-2019) Ham s6 y = %x3 +x? —3x+1dat cuc tiéu

tai diém

A. x=-1. B. x=1. C. x=-13. D. x=3.

(THPT SON TAY HA NOI NAM 2018-2019 LAN 01) Tim s6 diém cuc tri cua ham so
y=x"=2x>.

A.2. B. 4. C.3. D. 1.

(THPT CHUYEN QUANG TRUNG BINH PHUOC NAM 2018-2019 LAN 01) Diém cuec tiéu

ctia d0 thj ham s& y =—x* +x* +5x—5 1a

A. (-1;-8) B. (0;-5) C. Gj—gj D. (1;0)

(THPT CHUYEN QUANG TRUNG BINH PHUOC NAM 2018-2019 LAN 01) Cho ham s
y=f(x)cé dao ham f'(x)= x(x2 + 2)c)3 (x2 —\/5) Vx e R. S6 diém cuc trj ciia ham s 1a

A. 4 B. 1 C.2 D. 3

Ham s6 nao trong bdn ham sb duoc liét ké dudi day khong c6 cuc tri?

A.y=2x_3. B. y=x". C. y=—x"+x. D. y=|x+2].
x+2

(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f ()
co daoham trén R va f'(x)=(x—1)(x- 2)2 (x+3). S6 diém cuec tri ctia ham sb da cho 1a:

A.3 B. 1 C.0 D. 2
Dang 3. Tim m dé ham sb dat cue tri tai x = x0
(MA PE 110 BGD&PT NAM 2017) Tim gia tri thuc coa tham sé m dé ham s

y:§x3_mx2+(m2—4)x+3 dat cuc daitaix =3.

A. m=-1 B. m=-7 C.m=5 D. m=1
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Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

(CHUYEN HA LONG NAM 2018-2019 LAN 02) Tim m dé hamsd y = x* —2mx* + mx +1 dat
cuc tiéu tai x =1
A.khongtontai m .  B.m=xl. C.m=1. D. me{l;2}.

(THPT POAN THUQNG - HAI DUONG - 2018 2019) Tim céc gia tri thuc cta tham sb m dé
ham sb y :%)f —mx® +(m2 —4)x+3 dat cuc dai tai x=3.

A.m=1l,m=5. B. m=5. C. m=1. D. m=-1.

(PEN I - THAY LE ANH TUAN - PE 3 - NAM 2019) Tim tit ca cac gid tri cia tham sé m dé

ham s6 y =x* —3x% + mx+1 dat cuc tiéu tai x=2.
A. m=0. B. m>4. C.0<m<4. D. 0<m<4.

(THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) C6 bao nhiéu s6 thuc m dé ham sé
y=%x3 —mx® +(m2 —m+1)x+1 dat cuc daitai x=1.

A. 0 B. 2 C.1 D. 3

(Mi dé 102 BGD&DPT NAM 2018) Co6 bao nhiéu gia tri nguyén cta tham sé m dé ham sé
y=x"+(m-1x"—(m* —1)x* +1 dat cuc tiéu tai x=0?

A.3 B. 2 C. Vo sd D. 1

(Ma dé 101 BGD&DPT NAM 2018) Co bao nhiéu gia tri nguyén cua tham sé m dé ham sb
y=x'+(m-2)x° —(m2 —4)x4 +1 dat cyc tiéu tai x=07?

A. Vo sh B. 3 C.5 D. 4

(Ma dé 104 BGD&PT NAM 2018) C6 bao nhiéu gia tri nguyén cua tham sé6 m dé ham s
y=x"+(m-3)x’ —(m2 —9)x4 +1 dat cyc tiéu tai x=07?

A. 6 B. V6 s C. 4 D. 7

(MP 103 BGD&PT NAM 2017-2018) Co bao nhiéu gia tri nguyén cua tham sé6 m dé ham so
y=x'+(m-4)x° —(m2 —16)x4 +1 dat cuc tiéu tai x=0.

A. 8 B. Vo s6 C.7 D. 9

(KTNL GIA BINH NAM 2018-2019) C6 bao nhiéu gi4 tri nguyén ctia tham s6 m dé ham s
y=x"2+(m—-5)x" +(m*—25)x° +1 dat cuc dai tai x=0?
A. 8 B. 9 C. Vb sb D. 10

Tim tt ca tham so thuc m dé hamsé y =(m—1)x* —(m2 —2)x2 +2019 dat cyc tiéu tai x=—1

A. m=0. B. m=-2. C. m=1. D.m=2.

(CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Cho ham s6 y = f(x) x4c
, 3

dinh trén tap so thuc R va c6 dao hélmf'(x) = ()c—sin)c)(x—m—3)(x—\/9—m2 ) VxeR (m la

tham sd). C6 bao nhiéu gia trj nguyén ctia m dé ham s y = f (x) dat cuc tiéu tai x=0?
A. 6 B. 7 C.5 D. 4

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 9




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG DT:0946798489

Cau 62.

Ciu 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Dang 4. Tim m dé ham so0 ¢6 n cuec tri

(PE THAM KHAO BGD&DPT NAM 2017) Tim tt ca cac gia tri thuc ctia tham sb m dé ham sb
y=(m-1)x*-2(m—-3)x* +1 khong c6 cuc dai?
A. 1<m<3 B. m<l1 C.m=>1 D.1<m<3
(MP 104 BGD&DT NAM 2017) Tim tét ca cac gia tri thuc cua tham s6 m dé d thi cua ham so
y=x>=3mx* +4m’ co hai diém cuc tri 4 va B sao cho tam giac OAB co dién tich bang 4 voi
O la g(‘;c toa do.

1 1
A. m#0 B.m:—%;m:%
C.m=-1;m=1 D. m=1
(THPT HUNG VUONG BINH PHUOC NAM 2018-2019 LAN 01) Tim tit ca cac gia tri cua

3
X 2 1.2 X X , c g0 R .
tham s6 m dé hamsd y = —? +mx* —2mx +1 c6 hai diém cuc tri.

2
A O<m<2. B.m>2. C. m>0. D. {”” .
m<0

(THPT BA PINH NAM 2018-2019 LAN 02) Tim tit ca cac gia tri ctia tham s m dé ham s

y=x"=3x>+2mx+m co cuc dai va cuc tiéu?

A.m<§. B.m<—§. C.méé. D.m>§.
2 2 2 2

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Tap hop cac gia tri ciam dé ham
) y :%xz’ —mx? +(m+2)x+1 ¢0 hai cuc tri la:
A. (—o;—1]U[240)  B. (—o0;-1)U(2;4%0) C. (-1;2) D. [-1;2]

(THPT QUYNH LUU 3 NGHE AN NAM 2018-2019) Cho ham s6 y =mx* —x*+1. Tép hop
cac s6 thue m dé ham s d3 cho co ding mét diém cuc tri 1a

A. (0;+0). B. (—;0]. C. [0;+). D. (—0;0).

(THPT - YEN PINH THANH HOA 2018 2019- LAN 2) Cho ham s6 y =mx* + 2m+1)x* +1.
Tim tat ca céc gia tri thuc cia tham s6 m dé ham sb co ding mot diém cuc tiéu.

A.Khong tontai m.  B. m>0. C. mz—%. D. —%SmSO.

(CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Tim s6 céc gia tri nguyén ctia tham s
m dé ham s y = x* —|—2(m2 —m—6)x2 +m —1c¢6 ba diém cyc tri.

A. 6. B.5. C.4. D. 3.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Ham sb
y=mx*+(m—1)x* +1-2m c6 mét diém cyc tri khi

A. 0<m<l1. B. m<0vm=>1. C. m=0. D. m<Ovm>1.
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Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) C6 tat ca bao nhiéu gia
tri nguyén ctia m trén mién [-10;10] dé ham sé y =x"* - 2(2m+1)x*+ 7 c6 ba diém cuc tri?

A. 20 B. 10 C. Vo sd D. 11

(THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Cho ham s6 y = mx* + (m2 - 6)x2 +4
. C6 bao nhiéu sd nguyén m dé ham s co ba diém cyc tri trong d6 c6 dung hai diém cyc tiéu va
mét diém cuc dai ?

A. 4 B. 3 C.2 D. 5

(KSCL THPT NGUYEN KHUYEN LAN 05 NAM 2018-2019) Tim tat ca cac gia tri thuc cta
tham s& m dé ham sd y= mx* +(m—1)x2 +1-2m c6 mot cuc tri.

A. m=>1 B. m<0 C. 0<m<l1 D. m<0um=>1

Dang 5. Puong thang di qua 2 diém cwc tri

(MP 104 BGD&DT NAM 2017) Tim gia tri thuc cua tham s6 m dé duong thang
d:y=(2m-1)x+3+m vudng goc v6i dudng thang di qua hai diém cuc tri cua do thi ham sb
y=x=3x*+1.
1 1

A.ng B.m=é C.m=—- D. m=—

2 4 2 4
(MA DPE 123 BGD&DT NAM 2017) B thi ham s6 y =x° —3x* —9x+1 c6 hai cuc tri A va B
. Piém nao duéi day thudc dudng thang AB?
A. M(0;-1) B. N(1;-10) C. P(1;0) D. Q(-1;10)
(MP 105 BGD&DPT NAM 2017) D6 thi cua ham s6 y =-x" +3x”>+5 co hai diém cuc tri A va
B. Tinh dién tich S cua tam giéc OAB voi O 1a géc toa do.
A S=5 B.S:% C. 5=10 D. S=9

Db thi ctia ham sé y=x’ —3x* =9x+1 ¢6 hai diém cuc tri 4 va B. Piém nao dudi day thudc
duong thiang 4B .
A. P(1;0). B. M (0;-1). C. N(1;-10). D. O(-110).

(THPT Xuin Hoa-Vinh Phic- Lan 1- 2018- BTN) Biét d6 thi ham s6 y = x* —3x+1 c6 hai diém
cuctri 4, B.Khid6 phuong trinh dudng thing 4B la

A. y=2x-1. B. y=-2x+1. C.y=—x+2. D. y=x-2.

(Lwong Vin Chanh - Phi Yén — 2017 - 2018 - BTN) Tim gi4 tri thuc cia tham s6 m dé duong
thang d:y = (3m + l)x +3+m vudng goc voi dudng thang di qua hai diém cuc tri ctia d6 thi ham
s6 y=x"-3x*—1.

A.l. B.—l. C.m=

1
3 6 6 3
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Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

(THPT CHUYEN VINH PHUC - LAN 1 - 2017 - 2018 - BTN) Tim tat ca cac gi4 trj ctia tham
sb m dé a6 thi ham s y = x* +2x” +(m—3)x+m c6 hai diém cuyc tri va diém M (9;-5) ndm trén

duong thiang di qua hai diém cuec tri ciia dd thi.

A. m=-1. B. m=-5. C. m=3. D. m=2.
(PTNK Co S& 2 - TPHCM - 2017 - 2018 - BTN) Tim gié tri thyc ctia tham s m dé duong thing
y :(2m—1)x+m+3 song song voi duong thang di qua cac diém cuc tri ciia d6 thi ham s
y=x -3x>+1
A.mzi. B.m=l. C.m:—i. D.mz—l.
4 2 4 2
(TT Tan Hong Phong - 2018 - BTN) Tim tong tit ca cac gia tri thuc ctia tham sb m sao cho
duong thang di qua hai diém cuc tri ctia do thi ham sé y =2x° +3(m —l)x2 + 6m(1 —2m)x song
song duong thang y = —4x .
1
A.m=——, B.ng. C.m=——. D. m=1
3 3 3
Dang 6. Tim m dé ham s6 ¢6 cuwe tri théa mén diéu kién cho truéc
(PE THAM KHAO BGD&DT NAM 2017) Goi S 14 tap hop tit ca cac gid tri thuc ctia tham sb
;s . 1 . X

m dé do thi chia hamsd y = §x3 —mx* + (m2 —l)x co hai di€ém cuc tri 4 va B sao cho 4,B nam
khac phia va cach déu dudng thang d : y = 5x—9 . Tinh tong tit ca cc phan tir cia S .

A. 3 B. 6 C. -6 D. 0

(THPT LE QUY DPON PIEN BIEN NAM 2018-2019 LAN 01) Cho ham sb
y= %mx3 —(m—1)x* +3(m—2)x+2018 v6i m 1a tham s0. Tong binh phuong tat ca cac gid tri
cta m dé ham sb co hai diém cyc tri x,;x, thoa man x, +2x, =1 bang

A B. 22 c.® .2

9 9 4 3

(GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Tim tit ca ca cac gia tri ciia tham
sémdé y=x>—3x% +mx—1 dat cuc tri tai x,,x, théa man x> +x2 =6

A. m=-3 B. m=3 C.m=-1 D. m=1

C6 bao nhiéu gia tri nguyén ciia tham s6 m dé d6 thi ham s6 y=x* —8x> + (m2 +1 1)x—2m2 +2
¢6 hai diém cuc trj ndm vé hai phia cua truc Ox.

A. 4. B. 5. C. 6. D. 7.

(CHUYEN HA LONG NAM 2018-2019 LAN 02) Cho ham sb

y=x —(2m + l)x2 +(m + 1)x+m —1. Co6 bao nhiéu gia tri cuia s6 tu nhién m <20 dé dd thi ham

s0 ¢0 hai diém cuc tri nam vé hai phia truc hoanh?
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Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

A. 18. B. 19. C. 21. D. 20.
(CHUYEN KHTN NAM 2018-2019 LAN 01) C6 bao nhiéu gia tri nguyén ctia tham sé m dé db
thi cia ham s6 y = x° —(m+1)x? +(m2 —2)x—m2 +3 ¢6 hai diém cuc tri va hai diém cuc tri d6

nam veé hai phia khac nhau ddi véi truc hoanh?
A. 2. B. 1.
C. 3. D. 4.

(THPT LE QUY DPON PIEN BIEN NAM 2018-2019 LAN 01) Cho ham sb
y=2x"+ 3(m — 1) x* + 6(m — 2) x—1 voi m 1a tham s6 thuc. Tim tat ca cac gia tri ctia m dé ham
s6 c¢6 diém cuc dai va diém cuc tiéu nam trong khoang (—2 ; 3) .

A. me(-1;3)U(3;4). B.me(1;3). C. me(3;4). D. me(-1;4).

(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Tdng tit ca céc gia tri
thuc cia tham sb m dé ham sb: y= 3x° +2(m+1)x2 —3mx+m—>5co hai diém cuc tri X,5X, déng
thoi y(x,).p(x,)=0 la:

A. 21 B. -39 C. -8 D. 3J/11-13

(THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Goi S 1a tap cac gia tri duong cua
tham s& m sao cho ham s6 y = x* —3mx” +27x+3m—2 dat cyc tri tai x,,x, thoa min |x1 —x2| <5
.Biét §=(a;b]. Tinh T=2b-a.

A. T=+51+6 B. T=+/61+3 C.T=+/61-3 D. T=51-6

(SO GD&PT BAC GIANG NAM 2018-2019 LAN 01) Goi S 14 tap hop céc gia tri nguyén cia
3
tham s6 m déhamsd y :%—sz +mx+3 c6 hai diém cuc tri X,x,<4. S6 phan tir ciia S bang

A. 5. B. 3. C.2. D. 4.
(TOAN HOQC TUOI TRE NAM 2018 - 2019 LAN 01) Tim gi4 tri thuc cua tham s6 m dé ham
sO y=x’ +4(m—2)x*> —7x+1 c6 hai diém cuc tri x;x, (x, <x,)thoa man |xl|—|x2| =—4
A.m=5. B.mzl. C.m=3. D.mzz.

2 2

(PEN I - THAY LE ANH TUAN - PE 3 - NAM 2019) C6 bao nhiéu gia tri nguyén cta tham sb
m dé& diém M (2m’;m) tao véi hai diém cuc dai, cuc tiéu cia do0 thi ham sb
y=2x"-32m+1)x* +6m(m+x+1 (C) mot tam giac co dién tich nho nhat?

A. 0 B. 1 C.2 D. khong ton tai

(HSG BAC NINH NAM 2018-2019) Tim tit ca cac gia tri thyc cua tham sb thuc m dé duong
thang di qua hai diém cuc dai, cuc tiéu clia dd thi ham s6 y = x* —3mx +2 cét dudng tron (C) ¢6
tam [ (1;1) , ban kinh bﬁng 1 tai hai diém phan biét A,B sao cho dién tich tam gidc IAB dat gia tri

16n nhét.
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Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

Cau 102.

2443 1£3 2445
2

+
A.m:2_\/§ B. m C.m=—— D. m
3 2 2

(PE 04 VTED NAM 2018-2019) Biét d6 thi ham sé y=x’+ax> +bx+c c6 hai diém cuc tri
M(xl;yl ),N(xz;yz) théa man x, (y1 —yz) =Y, (x1 —xz) . Gia tri nho nhit cua biéu thirc
P =abc+2ab+3c bang
AP B. -2 c. -3 p. .

4 4 36 6
Dang 7. Tam giac cwe tri
(PE MINH HQA GBD&DT NAM 2017) Tim tat ca cac gia tri thuc ctia tham sb m sao cho dd
thi ctia ham s6 y = x* + 2mx? +1 ¢6 ba diém cuc tri tao thanh mot tam giac vudng can
1 1
A m=—=. B. m=1. C.m=——. D. m=-1.
Lo Po

(MP 105 BGD&PT NAM 2017) Tim tit ca cac gid tri thuc ciia tham sb m dé d thi cua ham sb
y= x* = 2mx? ¢ ba diém cyc tri tao thanh mot tam giac ¢6 dién tich nho hon 1.
A.O0<m<1 B. m>0 C.O<m<3/Z D. m<1

(THPT LE QUY PON PA NANG NAM 2018-2019) Goi S 1a tap hop tit ca cic gia trj ciia tham
s m dé do thi ham s6 y = x* — 2(m+1)x*+m? coba diém cuec tri tao thanh ba dinh cua mot tam
giac vudng. S phan tir cua tap hop S 1a
A. 2, B. 0. C. 4. D. 1.

(THPT POAN THUQNG - HAI DUONG - 2018 2019) Cho ham s6 y = x* —2mx” +1(1). Téng
1ap phuong cac gia trj ciia tham s6 m dé do thi ham sb (1) c¢6 ba diém cuc tri va dudng tron di qua
3 diém nay c6 ban kinh R =1 bang
A.#. B. 1+2‘/§. C. 2++5. D. —1+45.

(THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Tim tit ca cac gia trj thuc cia tham sé
m dé d6 thi ham s6 y= x* =2m’x* +m+4 ¢ ba diém cuc tri tao thanh ba dinh ciia mot tam giac
déu?

A. me{O;\/g;—\/g} B. me{O;Q/g;—Q/g} C. me{?/g;—g/g} D. me{—\/g;\/g}

(THPT QUANG TRUNG PONG PA HA NOQI NAM 2018-2019) Tim m dé d6 thi ham sé

y=x*—2m’x* +1 ¢6 3 diém cuec tri 1ap thanh mot tam giac vudng can.

A.m=1. B. me{-1;1}. C. me{-1;0;1}. D.med.

Dang 8. Bai toan cwe tri ham s6 chira ddu tri tuyét doi
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Céu 103. (PE THAM KHAO BGD & DT 2018) C6 bao nhiéu gia tri nguyén cua tham sé m dé ham sb
y= ‘3x4 —4x* =12x% +m| ¢6 7 diém cuc tri?
A. 5 B. 6 C.4 D. 3

Ciu 104. (CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Biét phuong trinh ax® +bx* +cx+d =0
(a#0) c6 ding hai nghiém thyuc. Hoi d6 thi ham sb y = ‘ax3 +bx? +cx +d| c6 bao nhiéu diém cuc

tri?
A. 4. B.5. C.2. D. 3.

Céu 105. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Tim sé céc gi tri nguyén cta tham sd
m dé a6 thi ham s6 y =|x* — 2mx” +2m” +m—12| c6 bay diém cyc tri
Al B. 4. C.0. D.2.

Ciu 106. (HSG BAC NINH NAM 2018-2019) S diém cye trj ciia ham 5§ y =[(x~1)(x~2)’| 1a
A.2 B. 2 C.3 D. 4

Cau 107. (MA DE 110 BGD&DT NAM 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

x |—o0 -1 3 +oo
Y + 0 - 0 +
15 oo
N o
’ N )
S AN /
e RSt

Do thi ctia ham s6 y = ‘ f (x)‘ ¢ bao nhiéu diém cuc tri?
A. 4 B. 2 C.5 D. 3
Cau 108. (KTNL GIA BINH NAM 2018-2019) Cho ham s y = f(x) c6 bang bién thién nhu sau.

I — oo -2 4 + o0
y' + 0 - 0 +
] + oo

\
/
\

Ham sb y = f(|x - 3|) ¢6 bao nhiéu diém cyc tri
A. 5 B. 6 C.3 D. 1
Ciu 109. (GKI THPT VIET PUC HA NQI NAM 2018-2019) Cho ham s6 y = f(x) xéc dinh, lién tuc

trén R va co bang bién thién nhu sau:

x |- =1 3 +0
¥ + 0 — 0 +
5 400
1
—

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 15




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG DT:0946798489

Do thi ctia ham s6 y = ‘ f (x)‘ c¢6 bao nhiéu diém cuc tri?

A. 2 B.3 C. 4 D.

5
Ciu 110. (GKI THPT VIET DUC HA NQI NAM 2018-2019) Cho ham sé y=f(x) c6 bang bién thién

Cau 111

Cau 112

Cau 113

Cau 114

Cau 115

Cau 116

nhu sau

+ 0 - 0 +

, A \ o
/ .

— 00

+o00

Do thi ctia ham s6 y = ‘ f (x)‘ c¢6 bao nhiéu diém cuc tri?
A. 5 B.3 C. 4 D. 2

. (TOAN HOQC TUOI TRE NAM 2018 - 2019 LAN 01) Cho ham sb
a>0,d>2019

. S6 cuc tri cia ham sb
a+b+c+d—2019<0

f(x)zax3+bx2+cx+d (a,b,c,d e R) va {

y= ‘g(x)‘ (voi1 g(x) = f(x)—2019) bang
A. 2. B.5. C. 3. D. 1.

. (SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) C6 bao nhiéu gia tri
nguyén cia tham sé m dé ham sd y = ‘3x4 —4x° —12x* +m*| c6 ding 5 diém cuc tri?

A. 5. B. 7. C.6. D. 4.

. (HSG BAC NINH NAM 2018-2019) S5 diém cye trj ciia ham s§ = |(x~1)(x~2)'| 1a
A.2 B. 2 C.3 D. 4

. (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) C6 bao nhiéu gia tri nguyén duong
ctia tham s6 m dé hamsd y = ‘3x4 —4x° —12x% + m‘ c6 5 diém cuec tri.
A. 16 B. 44 C. 26 D. 27

. (GKI THPT LUONG THE VINH HA NOQI NAM 2018-2019) Cho ham sb
y= ‘x“ —2mx” +2m — 1‘ v6i m 1a tham s6 thuc. SO gid tri nguyén trong khodng [-2;2] cta m dé

ham s6 d3 cho ¢6 3 diém cuc tri 1a
A. 2 B. 4 C.3 D. 1

. (THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f (x) ¢6 do

thi nhu hinh vé bén dudi
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y = f(x)

‘ 1 3
Tim tit ca cAc gia tri cua tham s6 m dé dd thi ham s h(x) = ‘fz (x) + 2f(x) + 2m‘ c6 ding 3

diém cuc trj.
A. m>1 B. m2>1 C. m<2 D.m>2

Céu 117. (THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Tap hop cic gia tri cia m dé ham sb
y= ‘3x4 —4x* —12x7 +m—1‘ c6 7 diém cuc trj 1a:
A. (0;6) B. (6;33) C. (1;33) D. (1;6)
Dang 9. Tim cue tri ciia ham sb f(u) khi biét bang bién thién, do thi £(x)

Céu 118. (M4 dé 101 - BGD - 2019) Cho ham s6 y = f/(x), bang bién thién ctia ham s6 f"'(x) nhu sau:

Sl Ele ™ -1 0 1 +00

+00 2 -
el ./ N\
-3 -1

S6 diém cuc tri ctia ham s§ y = f(x2 —~ 2x) la

A. 9. B. 3. C. 7. D. 5.

o0

Cau 119. (M3 dé 104 - BGD - 2019) Cho ham s f(x), bang bién thién ctia ham s f”(x) nhu sau:

—Dd

F@) x\g /2 \l/x

S6 diém cuc tri ciia ham s6 y = f(4x2 + 4x) la

A.S. B. 9. C.7. D. 3.

00

Céu 120. (M3 102 - BGD - 2019) Cho ham s /(x) , bang bién thién ciia ham sb /(%) nhu sau
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X —00 -1 0 1 +00

+00 2 +oo

HERNZERN

-3

SO diém cuc tri cia ham sO y = f(x2 + 2x) la

A. 9. B. 5. C.7. D. 3.
Céu 121. (Mi 103 - BGD - 2019) Cho ham s /'(x), bang bién thién ctia ham s6 f”(x) nhu sau:

—a0 -1 0 1 +on
f(x) | += / 2\ o0
\ i} . /

S6 cyc tri cia ham s6 y = f(4x2 — 4x) 1a

A. 3. B. 9. C.5. D.7.

Céu 122. Cho ham s6 y = f'(x) x4c dinh trén R va c6 do thi ham s6 y = f"(x) la duong cong & hinh V&
Hoi ham s6 y = f(x) c6 bao nhiéu diém cyc tri?
/\y

N
o~
Q

o

b 4

A. 2. B. 3. C. 4. D. 1.
Cau 123. (SO GD&DT BINH PHUOC NAM 2018-2019 LAN 01) Cho ham sb y=f(x) ¢6 dd thi

y=f'(x) nhu hinh v& sau
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Do thi ham s g(x)= ‘2f(x) - xz‘ c6 tdi da bao nhiéu diém cuc tri?

A. 7 B. 5 C.6 D. 3

Céu 124. (TOAN HQC TUOI TRE NAM 2018 - 2019 LAN 01) Cho ham s6 f(x) xac dinh trén R va c6
dd thi f'(x)nhu hinh v& bén. Pt g(x) = f(x)—x . Ham sb dat cuc dai tai diém thudc khoang nao

duéi day?
A. [3-3] B. (~2;0) C. (0:1) D. [l-z]
2 2 b 2 2 2

Ciu 125. (TRUONG THPT HOANG HOA THAM HUNG YEN NAM 2018-2019) Cho ham sb
y = f"(x=1) c6 dd thi nhu hinh v&.

S dat cuc tiéu tai diém nao?

A. x=1. B. x=0. C.x=2. D. x=-1.

Ciu 126. (TRUONG THPT HOANG HOA THAM HUNG YEN NAM 2018-2019) Cho ham sb
y=f(x) c6 dao ham trén R va c6 do thi 1a dudng cong nhu hinh v&. Dt g(x)= 3f(f(x)) +4.

3 A 2
Hamso y=nx

Tim s6 diém cuc tri ciia ham so g(x) ?

A. 2. B. 8. C. 10. D. 6.
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Ciau 127. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) xéc

dinh va lién tuc trén R, d6 thi cia ham s6 y = f(x) nhu hinh v&. Diém cuc dai ciia ham s6

g(x)zf(x)—x la

A. x=0. B. x=1.
C.x=2. D. khong c6 diém cuc dai.

Céu 128. Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va c6 d6 thi ham sé y = f’(x) nhu hinh v&. Dat

g(x)= f(‘x3‘) . Tim s6 diém cuc tri ciia ham s y = g(x).

y
a\ b Jc
19) /\/ X
A.3 B. 5 C.4 D. 2
Cau 129. (THPT LE VAN THINH BAC NINH NAM 2018-2019) Cho ham s6 y = f(x) x4c dinh trén R

va ham sb y= f’(x) c6 dd thi nhu hinh v&. Tim sb diém cyc trj ctia ham s§ y = f(x2 — 3) .

yA

(3%)
V=

A. 4 B. 2 C.5 D. 3
Ciu 130. (CHUYEN LE QUY PON QUANG TRI NAM 2018-2019 LAN 01) Cho ham sé f'(x) c6 dao
ham la f'(x). Do thi cia ham s6 y = f’(x) nhu hinh v& bén. Tinh s6 diém cyc tri ciia ham s6

y= f(xz) trén khoang (—\/g,\/g)
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Cau 131.

Cau 132.

Caul.

A. 2. B. 4. C.3. D. 5.
(THPT MINH CHAU HUNG YEN NAM 2018 - 2019) Cho ham s6 y =f(x) ¢6 dao ham lién
tuc trén R va d6 thi ham s y=f '(x) nhu hinh vé bén.
86 diém cyc tri ctia ham sb y =1 (x—2017)—-2018x+2019 Ia.
A.3 B. 4 C.1 D. 2

(THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 01) Cho ham s6 y = f(x). Ham s6
y = f'(x) c6 b thi nhu hinh v& dudi day.

Ay
£
o1\ 2 3 7
Tim m dé hamsé y = f(x*> +m) c6 3 diém cuc tri.
A. me(3;+0). B. me[0;3]. C. me[0;3). D. m € (—0;0).

PHAN B. LOI GIAI THAM KHAO

Dang 1. Tim cue tri cia ham so dua vao bang bién thién, do thi ctia ham so dé

(MD 105 BGD&DT NAM 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

X |—on ] 2 +oo

v + 0 — 0 +

Ménh dé nao duéi day dung?

A. Ham sb dat cuc tiéu tai x =—-5 B. Ham s6 ¢6 bdn diém cuc tri

C. Ham s6 dat cuc tiéu tai x=2 D. Ham s khong c6 cuc dai
Loi giai

Chon.C
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Duya vao bang bién thién. Ham sb c6 dao ham trén R va y’(2) =0y d6i ddu tir am sang duong
khi di qua x =2 nén ham s6 dat cuc tiéu tai x=2.

Cau2. (PE THAM KHAO BGD&DT NAM 2018-2019) Cho ham s6 y = f(x) c6 bang bién thién nhu

sau

Gia tri cuc dai ctia ham s d3 cho béng
A. 5 B. 2 C.0 D.1
Loi giai
Chgn A
Dua bao BBT ta c6: Gia tri cuc dai ciia ham s 1a Yep =95
Cau3. (Mai dé 104 BGD&DPT NAM 2018) Cho ham sé ¢ dd thi nhu hinh v& bén. S6 diém cuc tri cua

ham so6 da cho la:

Loi giai
Chon A
Ham s6 ¢6 ba diém cuc tri.
Ciud. (MA DE 110 BGD&DT NAM 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

x| —x -2 2 +
r

Y + 0 — 0 +

Tim gia tri cuc dai y., va gia tri cuc tiéu y., cua ham so da cho.
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A Yep =2va Yor =0 Bl Yo =3 va Yo =0
C.Vop=3va Yoy =-2D.yop=-2va y,=2
Loi giai
Chon B
Dua viao bang bién thién ciia ham s6 ta cé Y, =3 va y., =0.

Cau5. (M4 103 - BGD - 2019) Cho ham sé f(x) c6 bang bién thién nhu sau:

X —a0 1 3 +x

fl{\] + 0 — 0 +

i 3
flx) B / \_2 //ﬂ:

Ham s6 dat cuc dai tai:

A. x=-2. B. x=3. C.x=1. D. x=2.
Loi giai
Chon C

Ham s f(x) xac dinh tai x=1, £'(1)=0 va dao ham d6i dau tir (+) sang (-)

Cau 6. (MD 103 BGD&DT NAM 2017-2018) Cho ham sb y= ax* +bx* +c¢ (a,b,ceR)cod do thi nhu
hinh vé bén.

% |
\ / .~
@) X
S6 diém cuc tri cua ham sé da cho 1a
A. 3 B. 0 C.1 D. 2
Loi giai

Chon A

Cau7. (Mi 102 - BGD - 2019) Cho ham sé f (x) c6 bang bién thién nhu sau:
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Ll

x —C 1 +i

fix) - 0 + 0 -

[ ]

F | \_2 / \_x

Ham so dat cuc dai tai

A. x=-2. B. x=3. C. x=1. D. x=2.
Loi giai
Chon B
Cau8. (MA PE 123 BGD&DT NAM 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

— o0 —1 0 1 + o0
x
B! - O + (0] - 0 +

+ 00 3 + oo

/
\
/
\

O
M¢énh dé nao dudi day sai
A. Ham s0 c6 gia tri cuc dai bang 3 B. Ham s0 c¢6 hai diém cuc ti€u
C. Ham s0 c6 gia tri cuc dai bang 0 D. Ham s0 c6 ba diém cuec tri

Loi giai
Chon C

Cau9. (M3i dé 104 - BGD - 2019) Cho ham s6 f(x) c6 bang bién thién nhu sau:

X |—w® 1 3 +oo
f'(x) + 0 - 0 +
| N, o

Ham s6 d3 cho dat cuc tiéu tai
A. x=2. B. x=-2. C.x=1. D. x=3.
Loi gidi

Chon D
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Tur bang bién thién ta c¢6 diém cuc ticu ciia ham so 1a x =3.

Cau10. (Mai dé 102 BGD&DPT NAM 2018) Cho ham s y=ax’ +bx’ +cx+d (a,b,c,d €R) ¢ db thi

nhu hinh v& bén. S6 di€m cyc tri cua ham s6 nay la

A,
y

»

u

w

A. 3 B. 2 C.0 D. 1
Loi giai

Chon B

Dua vao hinh dang dd thi ham s c6 hai diém cuc tri.

Cau 11. (Mai dé 104 - BGD - 2019) Cho ham s6 y = f(x) c6 bang bién thién nhur sau:

x | - -1 0 1 + a0

F(x) _ o + 0 - 0 +

/() M\O /'3\0 /'ﬂO

Hoi ham s6 nghich bién trén khoang nao sau day?

A. (0;1). B. (1;+x). C. (-10). D. (0;+)

Loi giai
Chon A
Vi trén (0;1) ham s c6 dao ham mang du am.

Cau 12. (Mai dé 101 - BGD - 2019) Cho ham s6 f(x) c6 bang bién thién nhu sau:

x |- -1

J(x) - 0 e 0 -

Ham s6 d3 cho dat cuc tiéu tai
Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong
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A, x=-1. B. x=-3. C.x=2. D. x=1.
Loi giai
Chon A

Theo bang bién thién thi ham sd dat cuc tiéu tai diém x = —1
Cau 13. (M4 dé 101 BGD&DT NAM 2018) Cho ham s6 y =ax’ +bx’ +cx+d(a,b,c,d €R) c6 do thi

nhu hinh vé bén. SO di€m cuc tri cua ham so da cho la

."j = N - >
A. 2 B. 0 C.3 D. 1
Loi giai
Chgn A
Ciu 14. (PE THAM KHAO BGD & DT 2018) Cho ham s6 y = f(x) c6 bang bién thién nhu sau
x | —w 2 +ao
v - + 0 -
o 5
1 —an
Ham s6 dat cuc dai tai diém
A x=1 B. x=0 C.x=5 D. x=2
Loi giai
Chon D

Duya vao bang bién thién ta thiy )’ ddi dau tir (+) sang (—) tai x=2.

Nén ham so dat cuc dai tai diem x=2.

CAu 15. Cho ham sb y=f (x) xac dinh, lién tuc trén doan [—2;2] va c6 do thi la duong cong trong hinh vé

bén. Ham sb f (x) dat cuc dai tai diém nao dudi day

26
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P2 N

o .

A x=-2. B. x=-1. C.x=1. D. x=2
Loi giai
Chon B
Tir db thi ta thiy ham sb dat cuc dai tai x =—1.
Dang 2. Tim cwe tri ciia ham so6 khi biét y, y’
Ciu 16. (PE MINH HQA GBD&DPT NAM 2017) Tim gia tri cuc dai Yos cuaham s6 y=x*—3x+2.
A. Yo =1 B. y =4 C. Vs =1 D. y, =0
Loi giai
Chon B

x=1 :>y(l):0

Ta c6 y':3x2—3:> '=0 =3’ -3=0
Y L:—l = y(-1)=4

X—>—00 X—>—00 X X X—>+00 X—>+00 X X

) 2 ) 2
lim (x3 —3x+2) = lim x° (1—%+—3j:—oo, lim(x3 —3x+2) = lim x° (1—%+—3j:+oo

Béng bién thién

x | —oo —1 1 ~+ oo

-+ 0 — 0

+
1. oS
v e

_m/ S /

Tir bang bién thién, ta thdy gia tri cuc dai cia ham sb bang 4

o . 2x+
Cau17. (MD 104 BGD&DT NAM 2017) Ham s0 y = 1
X+

Al B.3 C.0 D. 2

¢6 bao nhiéu diém cuc tri?

Loi giai
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Chon C
Co y' = ~>0,Vx #—1 nén ham sb khong cé cuc tri.
(x+1)
A \ A X’ +3 A A s L 4AL. A
Cau 18. Chohamso y= t M¢nh dé nao dudi day dang?
x+
A. Cyc tiéu ciia ham s6 bang -3 B. Cyc tiéu cta ham s bang 1
C. Cyc tiéu ctia ham sb bang —6 D. Cuc tiéu ctia ham s bang 2
Loi giai
Chon D
" Cach 1.
2 — x=-3
Taco: y' =X 1253 0o 12x-3=0 c{
(x+1) =

Lap bang bién thién. Vay ham s6 dat cuc tiéu tai x=1 va gia tri cuc tiéu béng 2.

7 Cich 2.
2 _ =3
Taco y =Xt 3 0o i2x-3=0|"
(x+l) x=1
8 . 1 1
"= _Khi d6: y"(1)==>0; y"(-3)=-=<0.

Nén ham sb dat cuc tiéu tai x=1 va gia tri cuc tiéu bﬁng 2.
Caul19. (PE THAM KHAO BGD&DPT NAM 2018-2019) Cho ham sb f(x) co6 dao ham

f'(x)= x(x—1)(x+2)*, Vxe R. S6 diém cuyc tri cia ham sb da cho 1a
A. 1 B. 3 C.2 D. 5

Loi giai
Chon B

Phuong trinh f'(x)=0< x(x—1)(x+2)°=0

x=0
o x=1
X=-2

Do f'(x)=0 co ba nghiém phan biét va f'(x) ddi ddu qua ba nghiém nay nén ham sé co ba diém
cuc tri.
Cau20. (Mi dé101-BGD -2019) Cho ham s f(x) co daoham f'(x)=x(x+2)",¥xeR S diém cuc

tri ctia ham sb da cho 1a
A. 2. B. 1. C.0. D. 3.
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Cau 21.

Cau 22.

Cau 23.

Loi giai
Chon B
Bang bién thién
X -0 -2 0 +o0
r'x) - 0 - 0 +
re | "
\ fer /

Tu bang bién thién ta théy ham s da cho ¢ ding mat diém cuc tri d6 1a diém cuc tiéu x=0.

(M3 103 - BGD - 2019) Cho ham s6 f(x) ¢6 dao ham f"(x)=x(x-1)", VxeR. S diém cuc
tri cua ham s6 da cho la
A. 2. B.0. C. L D. 3.

Loi giai

Chon C
Xét dau caa dao ham:

0 a -
(i ]

Ta thdy dao ham d6i dau diing 1 1an nén ham sé da cho ¢6 dung 1 diém cuc tri

(M3 d& 104 - BGD - 2019) Cho ham s6 f(x) c6 dao ham f'(x)=x(x+1)’, VxeR. S5 diém
cuc tri ciia ham sb da cho 1a
A. 1. B. 2. C. 3. D. 0.
Loi giai

Chon A
Taco f'(x)=0 x(x+1) =0 RPN Lo

X)= x(x = .

(x+1)2=0 x=-1

Vinghiém x =0 la nghiém boi 1€ va x =—1 la nghiém boi chan nén s6 di€ém cuyc tri cua ham so la
1.

(M4 102 - BGD - 2019) Cho ham s6 y = f(x) c6 dao ham f'(x)=x(x—-2)*, VxeR. Sb diém
cuc tri ciia ham sb da cho 1a
A. 0. B. 3. C.2. D. 1.

Loi giai

Chon D
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Cau 24.

Cau 25.

T3063f'(x)=0<:>x(x—2)2:()<:{x:0 [x=0

o
x—2=0 x=2

Bang bién thién:

x | = 0 2 +a0

Duya vao bang bién thién, ta thdy ham s ¢6 1 diém cyc tri x=0.

(THPT LE QUY PON PA NANG NAM 2018-2019) Cho ham sé f(x) c6 dao ham
f'(x):x(l—x)2(3—x)3(x—2)4 véi moi x € R. Piém cuc tiéu ctia ham sb da cho 1a
A. x=2. B. x=3. C. x=0. D. x=1.
Loi giai

Taco

x=0
F(x)=x(1-2) (=) (-2)' = () =05 | "

x=3
Bang xét dau dao ham.

® ‘ — 0 1 2 3 +x
f'l-ﬂ‘ = @ % B = B 4 Q0

Suy raham sé f(x) dat cuc tiéu tai x=0

(THPT CHUYEN SON LA NAM 2018-2019 LAN 01) Cho ham s f(x) c6 dao ham
f(x)=x*(x=1)(x-2),VxeR. S6 diém cyc tri cia ham s6 da cho la
A 1. B. 3. C.5. D. 2.
Léi gidi
x=0
Taco: f'(x)=0=x*(x-1)(x-2)=0<|x=1.
x=2

Béng xét dau:
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Cau 26.

Cau 27.

Cau 28.

]

X —o0 0 1

; +
f‘("f} - 0 + 0 — 0 +

Dua vao bang xét du nhan thdy ham sé £ (x) c6 3 diém cuec tri.

ME 04 VTED NAM 2018-2019) Ham s6 y=f(x) c¢6 dao ham
f'(x) = (x—l)(x—Z)...(x—2019), VxeR.Hamsb y= f(x) c6 tat ca bao nhiéu diém cuc tiéu?

A. 1008 B. 1010 C. 1009 D. 1011
Loi gii
Chon B
=1
=2
Taco: f'(x)=(x-1)(x-2)..(x-2019)=0 <
x=2019

f'(x) =0 c6 2019 nghiém boi 1¢ va hé s6 a duong nén c6 1010 cuc tiéu
(SO GD&DPT BAC GIANG NAM 2018-2019 LAN 01) Cho ham s6 F(x) 1a mot nguyén ham
cia ham s6 f(x)=2019"(x* —4)(x* =3x+2). Khi do s6 diém cuc trj ciia ham s6 F(x) I
A.5. B. 4. C. 3. D.2.
Loi giai

Taco: F'(x)=f(x)=2019"(x* —4)(x* -3x+2).

x=-2
F'(x)=0<2019" (" -4)(x* -3x+2) =0 x=2 .
x=1
Bang bién thién cia F(x):
x —0 -2 2 +0
F'(x) 0 - 0 + 0 +

-2) +x

+
F /
Fx) / \ F(2
- F(IJ/ )

Tu bang bién thién ta théy ham sb F (x) ¢6 1 cuc dai va 1 cuc tiéu, nghia la ¢6 2 cuc tri.

D6 thi ham s6 y = —x* +3x ¢o diém cuc tiéu la:
A. (-;-2). B. (1,0). C. (;-2). D. (-1;0).

Loi giai
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Ta co:
[ 2 [ le
+) y'=-3x"+3; )y =0
x=-1
+) ¥ =—6x

1 »"(1)=-6<0 = ham s6 dat cuc dai tai x=1.

1 y"(-1)=6>0 = ham sé dat cuc tiéu tai x=—1 va diém cyc ticu la (-1;-2).

Ciu29. (THPT YEN PHONG 1 BAC NINH NAM HQC 2018-2019 LAN 2) Him s6 f(x) ¢6 dao ham

f'(x)=x (x+1)(x—2)3, VxeR.Héi f(x) c6 bao nhiéu diém cuc dai?

A. 2. B. 0. C. 1. D. 3.
Loi giai
x* =0 x=0
Ta co f’(x):0<:> x-1=0 <|x=1.
(x-2)'=0 [¥=2
Bang bién thién
& —00 =1 0 +o0
fl(x) + 0 - 0 +

Dua vao bang bién thién suy ra ham so6 ¢6 1 diém cuc dai.

Cau30. (CHUYEN HUNG VUONG GIA LAI NAM 2018-2019 LAN 01) Diém cuc dai caa do thi ham

sO y=x*—6x? +9x c6 tong hoanh d¢ va tung d6 bang

A. 5. B. 1. C. 3. D.
Loi giai
. ) x=1
Tacod: y'=3x"-12x+9=0<
x=3
Bang bién thién
— o 1 3 +x
’ + 0 - 0
4 +x

Khi do: x., =1= y.,, =4=x, + Y =5.

-1.
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Cau3l. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 02) Tim gié tri cuc tiéu y,, cta ham sb

y=—x4+3x—4.
A. yo, =—6 B. yo,=-1 C.Vor=-2 D. y, =1

Loi gidi
Tap xac dinh: D=R; y/=-3x"+3; )/ =0 o x==+1.

Béng bién thién

Vay yCD:y<1):_2; yCT:y<_1):_6'

Cau32. (THPT CU HUY CAN NAM 2018-2019 LAN 01) Cho ham s6 f(x)c6 dao ham la

f'(x)=x(x-1)(x+ 2)2 Vx e R. S6 diém cuc tri ctia ham sb 142

A. 5. B. 2. C. 1. D. 3.
Loi gidi
x=0
Ta cod f'(x):O<:> x=1 .Do x=0, x=1 la nghiém don, con cac nghi€ém va x =-2 la nghi€ém
x=-2

boi chdn nén f'(x) chi d6i khidiqua x=0, x=1.

a>0

A 0<:>m2—4>0<:>m<—2vm>2cc') 2 diém cuec tri.
<

= Ham s (1)@{

Cau33. (THPT CU HUY CAN NAM 2018-2019 LAN 01) Gia tri cuc tiéu y. ctia ham sb
y=x3—3x2+4 la:
A Yer =0. B. yo,=3. C.yer=2. D. y,=4.
Loi giai
Tacod y' =3x>—6x, y"=6x—6
X =

X

y':0<:>{

0
2
y"(0)=-6,y"(2)=6
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Do d6 ham s0 dat cyc tiéu tai x=2 = y., = y(2)=0.

Cau34. (SO GD&DPT BINH PHUGC NAM 2018-2019 LAN 01) Cho ham s6 f(x) c6 dao ham

f'(x)= (x—l)(x—2)2 (x—?a)3 (x—4)4 , Vx e R. S6 diém cuc tri cua ham s6 da cho la

A. 3 B. 5 C.2 D. 4
Loi giai
Chon C
x=1
x=2
"(x)=0&
/ ( ) x=3
x=4
Béng bién thién:
x —ao 1 2 3 4 +ao
J(x)

+ 0 - 0 - 0 + 0 +
+ao
f['l_) —aC ””/f' \\ —ﬂ

Dua vao bang bién thién: S6 di€m cuc tri cua ham s6 da cho 1a 2.

Céau 35. (LIEN TRUONG THPT TP VINH NGHE AN NAM 2018-2019) D6 thi ham sé y =x* —x* +1
¢ bao nhiéu diém cyc tri ¢6 tung do 1a $6 duong?
A. 3. B. 1. C. 2. D. 0.

Loi giai

Téap xac dinh D=R.

x=0=y=
V=4x -2x; Yy =0 2 3
TRV

Suy ra dd thi c6 ham s6 y=x"—x*+1c¢63 diém cuc tri co tung do 1a ) duong.

Cau 36. (HSG BAC NINH NAM 2018-2019) Ham s6 nao duéi day khéng c6 cuc tri?

2 —_—
A. y:x *l B. y=2x 2 C. y=x"-2x+1 D. y=—x+x+1
X x+1
Loi giai
+Xéthéms6y=2x_2.
x+1
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Cau 37.

Cau 38.

Tép xac dinh D:R\{—l},y': >0,VxeD.

(x+1)2

Nén ham sb ludn dong bién trén timg khoang xac dinh.

Do d6 ham sé y = al

khong c¢o cuc tri.
x+1

(THPT GIA LQC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s f(x) c6 dao ham

f'(x)= x(x—l)(x—z)2 ,Vx e R. S6 diém cuc tri ciia ham s6 d3 cho 1a

A. 5. B. 2. C. 1. D. 3.
Loi gidi
x=0
Tacod f'(x)=0 < x(x—l)(x—2)2=0 < (x=1.
x=2
Lap bang xét dau cua f”(x) nhu sau:
X |—oo 0 1 9 +o00
() + 0 — 0 + 0 +

Ta thay f(x) d6i ddu khi di qua céc diém x=0 va x=1, do d6 ham sé y = f(x) c6 hai diém
cuc tri.
(THPT BA DINH NAM 2018-2019 LAN 02) Cho ham sé y=/(x) c6 dao ham
f'(x)= (x—2)(x2 —3)(x4 —9). S6 diém cuec tri cia ham s6 y = f(x) la
A. 3. B. 4. C. 2. D. 1.
Loi giai

f'(x) :()C—Z)(x2 —3)2 (x2 +3) :(x—Z)(x—x/g)z (x+x/§)2 (x2 +3)

x=—3
f'(x):0<:>(x—2)(x+\/§)2(x—\/§)2(x2+3)=0<:> x=3 .

x=2

Bang bién thién
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x —00 —V3 V3 2 +oo
f(x) -0 - 0 - 0 +
TNLvE)
f(z) \f(\/g)
J(2)

Tir bang bién thién ctia ham s6 y = f (x) , ta thdy ham sé y= f (x) c¢6 dung 1 diém cuec tri.

Cau39. (THPT BA PINH NAM 2018-2019 LAN 02) Cho ham s6 y = x* —2x% +1. Xét cdc ménh dé sau
day
1) Ham s6 ¢ 3 diém cuc trj.
2) Ham s6 dong bién trén céc khoang (—1;0); (1;+).
3) Ham $6 ¢o 1 diém cuc trj.

4) Ham sd nghich bién trén cac khoang (—o0;-1); (0;1).

C6 bao nhiéu ménh dé diing trong bon ménh dé trén?

A. 2. B. 1. C.4. D. 3.
Loi giai
x=0 =y=1
y'=4x3—4x:>y'=0<:> x=1 =y=0
x=—1=y=0

Béng xét dau:

x —o0 —1 0 1 +o0

o

Ham s6 ¢6 3 diém cuc tri, dong bién trén khoang (—1;0); (1;+0) va nghich bién trén khoang

(—o0;=1); (0;1). VAy ménh dé 1, 2, 4 ding.

Ciu 40. (THPT BA PINH NAM 2018-2019 LAN 02) Tim gia tri cuc dai cia ham s y =x* —3x* —2.
A. 2. B. 0. C.2. D. 1.

Loi giai
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Tap xéc dinh cua ham s6la D=R.

Tacé:y':3x2—6x:>y’:0©{

y"'=6x-6=)"(0)=—-6<0=Gid tri cyc dai cia ham s6 1a: y(0)=-2.

Cau4l. (THCS-THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Néu ham s6 f'(x) ¢6 dao ham
la f'(x) =x’ (x— 2)()62 —x—2> (x—|—1)4 thi tong cac diém cyc tri ctia ham s6 f(x) bang
A. —1. B. 2. C. 1. D. 0.
Loi giai
Co f'(x)=x*(x— 2)2 (x+ 1)5. Ta thiy f'(x) chi d6i ddu qua nghiém x =—1 nén ham sb f(x)
c6 diing mot diém cuc tri 1a x=—1.

Vay téng cac diém cuc tri cia ham s6 f (x) bang —1.

Cau42. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Ham sb

y :ix“ —§x3 —%xz —3x+2019m (m ER) dat cuc tiéu tai diém:

A. x=3. B. x=-3. C.x=1. D. x=-1.
Loi giai

TXD: D=R.

x=3

y’:x3—x2—5x—3;y'=0c>x3—x2—5x—3=0c>[ -
x=-

Ham so0 dat cuc tiéu tai x=3.

Cau43. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Piém cuc dai cia dd thi ham
s6 y=—x"+3x+1 la:

A M(-1;-1). B. N(0;1). C. P(2;-1). D. O(1;3).
Loi giai

y'==3x"+3; y'=0=x=1=I

y"=—=6x; y"(1)=—6<0; y"(-1)=6>0
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Do d6 ham sé dat cuc dai tai x=1;y(1)=3. Vay chon dép an O(1;3).

Ciu44. (SO GD&PT NINH BiNH LAN 01 NAM 2018-2019) Ham s6 y = %)f +x? —3x+1dat cuc tiéu

tai diém
A. x=-1. B. x=1. C. x=-3. D. x=3.

Loi gidi
Ta c6 ham séy:%)f +x”—3x+1co tap xdc dinh D=R.

=1
Y =x*+2x-3; y':Oc{ *
x=-3

yll=2x+2; y//(_3):_4<0; y”(l):4>0,

Suy ra ham so0 dat cuc ticu tai diem x =1.

Cau45. (THPT SON TAY HA NOQI NAM 2018-2019 LAN 01) Tim s6 diém cuc tri cua ham so

y=x"=2x>.
A. 2. B. 4. C.3. D. 1.
Loi giai
Chon C
Tuw lugn
Tap xac dinh: D=TR.
i 3 X =
V' =4x -4x=0
x=1%
Bang bién thién:
z —00 -1 0 1 +00
Yy’ - 0 + 0 - 0 +

+ o0

00 0
Y \_1/ \_1/+

Dua vao bang bién thién suy ra ham s6 co 3 diém cuc tri.
Trac nghiém
Ham s6 bac 4 trung phuong y = ax* +bx* +c co hé s6 a.b <0 thi se co 3 diém cuc tri.

Vay chon ngay dap an C.
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Cau 46.

Cau 47.

Cau 48.

(THPT CHUYEN QUANG TRUNG BINH PHUOC NAM 2018-2019 LAN 01) Diém cuc tiéu
ctia d6 thj ham s& y =—x* +x* +5x—5 1a
C. (E;ﬂj
3727

Loi giai

A. (-1-8) B. (0;-5) D. (1;0)

Chgn A
x=-1

Y =3x"+2x+5=0 x—é :
3

y'=—-6x+2.

Tacé: y"(-1)=8>0 = Ham s dat cuc tiéu tai x=—1; y., = y(-1)=-8.

Véy diém cyc tiéu cua dd thi ham s6 1a (-1;-8).

(THPT CHUYEN QUANG TRUNG BINH PHUOC NAM 2018-2019 LAN 01) Cho ham s

y=f(x)co dao ham f'(x)= x(x2 + 2x)3 (x2 —\/5) Vx e R. S6 diém cyc trj ciia ham s 1a

A. 4 B. 1 C.2 D. 3
Loi giai

Chgon D

Cach 1: Str dung MTCT chon mdt s nam gitta cac khoang suy ra bang xét dau

+00

2
0

f'(X) - 0 + 0 — 0 — +

f'(x)déi d4u 3 1an qua x=-2,x= —(‘/E,x =42 suy ra ham s6 ¢ 3 cuec tri.

Cach 2: Str dung nghiém boi chan ¢, nghiém don.

£1(x)=x(27 +2x) (22 =N2) =t (x+2) (x+2)(x-42)(x+42)

/'(x)ddi ddu qua 3 nghiém don. 2 nghiém bdi chdn khong ddi dau nén c6 3 cuc tri.

Ham s6 nao trong bdn ham sb duoc liét ké dudi day khong co cuc tri?
2x-3

= : C. y=—x+x. D. y=|x+2].

x+2

A,y B. y=x".

Loi giai

Chon A.
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Cau 49.

Cau 50.

2x-3
x+2

+Ham s y =
Tép xéc dinh: D =(—o0;—2)U(—2;+).

Co y'= ( ! )2 > 0Vx € D= ham s} ludn dong bién trén timg khoang xac dinh = ham s
x+2

khong c6 cuc tri.

Céac ham so khac dé dang chimg minh dugc y’ c6 nghiém va d6i dau qua cac nghiém. Riéng ham
sO cudi y’ khong xac dinh tai -2 nhung ham s6 xac dinh trén R va y’ doi dau qua -2 do do c6 ham

s6 ¢ diém cuyc tri x = -2.
(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f(x)

co dao ham trén R va f'(x)= (x—l)(x—2)2 (x+3). S6 diém cuec tri ctia ham sb da cho 1a:

A3 B. 1 C.0 D. 2
Loi giai
Chon D
x=1
Taco f'(x)=0=|x=2
x=-3
Bang bién thién
Tr | -ow -3 1 2 + @
F(z) + 0 - 0 + 0 +
+ oo
flz) / \
-

Ttr bang bién thién ta thdy ham sb d3 cho c6 2 diém cuc tri.

Dang 3. Tim m dé ham s6 dat cue tri tai x = x0

(MA PE 110 BGD&PT NAM 2017) Tim gia tri thuc coa tham sé m dé ham s
% =%x3 —mx’ +(m2 —4)x+3 dat cuc dai taix =3.

A. m=-1 B. m=-7 C.m=5 D. m=1
Loi giai
Chon C

Tacod y' =x —2mx+(m2—4); y'=2x-2m.
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Cau 51.

Cau 52.

) "(3)=0
Ham so y=1x3—mx2+(m2—4)x+3 dat cuc dai tai x =3 khi va chi khi: ()
3 y”(3)<0
9—6m+m*—4=0 [m’—6m+5=0
o =
6-2m<0 m>3

Vay m=>5 1a gia tri can tim.
(CHUYEN HA LONG NAM 2018-2019 LAN 02) Tim m déhamsé y = x* —2mx* + mx +1 dat

cuc tiéu tai x =1
A.khongtontai m .  B.m=xl. C.m=1. D. me{l;2}.

y'(1)=0 {3—4m+m=o m=1
R

=1.
¥'(1)>0 3=

bé x =1 la diém cuc ti€u ctia ham s6 < &
6—-4m>0 m<5

Thirlai véi m=1, tacd y=x"-2x"+x+1; y' =3x"—4x+1.

x=1
YV=0=3x"-4x+1=0 1.
X==
3
Béng bién thién:
R S 1 1 + 00
3
v + 0 - 0 +

Quan sat péng’ﬁign thién ta thiy m =1 thoa yéucam bai toarr
(THPT POAN THUQNG - HAI DUONG - 2018 2019) Tim céc gia trj thuc ciia tham sé m dé
ham sé y :%x3 —mx’ +(m2 —4)x+3 dat cuc dai tai x=3.
A.m=1l,m=5. B. m=5. C. m=1. D. m=-1.
Loi giai
Tap xéc dinh R.

Tacod y' =x"-2mx+m’ -4, y"=2x-2m.

Pé ham sd y=%x3—mx2+(m2—4)x+3 dat cuc dai tai x =3 thi
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Cau 53.

Cau 54.

Cau 55.

m=>5

m=1<m=5..

{y’(3)=0 @{m2—6m+5=0© {

"(3)<0 6-2m<0
y()< "< 3<m

(PEN I - THAY LE ANH TUAN - PE 3 - NAM 2019) Tim tit c4 cac gi tri cua tham sé m dé
ham s6 y =x* —3x% + mx+1 dat cuc tiéu tai x=2.
A. m=0. B. m>4. C.0<m<4. D. 0<m<4.

Loi giai
Chon A
Y =3x"—6x+m; y"'=6x-6.

y'(2)=0©{m=0

Ham s6 dat cuc tiéu tai x =2 < oSm
y"(2)>0 6>0

(THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) C6 bao nhiéu s6 thuc m dé ham sé
y=%x3 —mx® +(m2 —m+1)x+1 dat cuc daitai x=1.
A. 0 B. 2 C.1 D. 3
Loi giai
Chon D
y'=x>=2mx+m’ —m+1
y"=2x-2m

Ham so dat cuc dai tai x=1 nén ta co

{)/'(1)20 {m2—3m+2:O {mzlvm:2
= =

y"(l)<0 2-2m<0 m>1

om=2

Thu lai véi m=2 tacod y":2x—4:>y"(l):—2<0

Do d6 Ham sb dat cuc dai tai x=1

(Ma dé 102 BGD&PT NAM 2018) C6 bao nhiéu gia tri nguyén cia tham sé m dé ham sb
y=x"+(m-1x"—(m* —1)x* +1 dat cuc tiéu tai x=0?
A. 3 B. 2 C. Vo sd D. 1

Loi giai

Chon B

Taco: y'=8x" +5(m—x* —4(m’ -1)x’ +1 = x° (8x4 +5(m—1)x—4(m2 —1))
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Cau 56.

=0
y'=0< . 4 2
8x* +5(m—1)x—4(m’ -1)=0 (1)

*Néu m =1 thi y'=8x’, suy ra ham s6 dat cyc tiéu tai x=0.
x=0

. x=0 .
*Néum=-1thi y'=0& { \/g ,nhung x = 0 la nghiém boi chan nén khong

A o
8x"—=10x=0 x =3
4
phai cuc tri.
*Néu m=+1 : khi d6 x=0 la nghiém boi lé. Xét g(x) =8x* +5(m—1)x—4(m’ -1). Dé x=0
1a diém cyc tiéu thi lim g(x)=—-4(m* -1)>0 & m’ -1<0 < —-1<m<1. Vi m nguyén nén chi c6
x—0"

giatri m=0.
Vay chi ¢6 hai tham s6 m nguyén dé ham s dat cyc tiéutai x=0 la m=0 va m=1.

(Ma dé 101 BGD&DPT NAM 2018) Co bao nhiéu gia tri nguyén cua tham sé m dé ham sb
y=x° +(m—2)x5 —(m2 —4)x4 +1 dat cuc tiéu tai x=07?
A. V5 sd B. 3 C.5 D. 4

Loi giai

Chon D
Tacod y=x* +(m-2)x° —(m2 —4)x4 +1 = y'=8x" +5(m-2)x" —4(m2 —4)x3.
y'=0 c>x3(8x4+5(m—2)x—4(m2—4)):0

x=0
i g(x) =8x* +5(m—2)x—4(m2 —4) =0
Xét ham s g(x)=8x4+5(m—2)x—4(m2—4) 6 g'(x)=32x"+5(m-2).
Ta thiy g'(x)=0 c6 mot nghiém nén g(x)=0 c6 tdi da hai nghiém
+ TH1: Néu g(x)zO codnghiém x=0 = m=2 hodc m=-2
V6i m=2 thi x=0 la nghiém bdi 4 cua g(x). Khi d6 x=0 la nghiém bdi 7 cia ' va y' doi
dau tir am sang dwong khi di qua diém x=0 nén x=0 1a diém cyc tiéu cia ham sb. Vay m =2
thoa ycbt.

x=0

Véi m=-2 thi g(x)=8x"-20x=0< 5.

X =3|—

2
Béng bién thién
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Cau 57.

X
2

Dua vao BBT x =0 khong 13 diém cuc tiéu ctia ham sb. Vay m =—2 khong thoa ycbt.
+ TH2: g(0)#0 <m=#+2. Dé ham sé dat cuc ticu tai x=0 < g(0)>0
om -4<0e2<m<2.
Do meZ nén me{-1;0;1}.
Vay ca hai truong hop ta dugc 4 gia tri nguyén cua m thoda ycbt.
(Ma dé 104 BGD&PT NAM 2018) C6 bao nhiéu gia tri nguyén cua tham sé6 m dé ham s
y=x* +(m—3))c5 —(m2 —9)x4 +1 dat cyc tiéu tai x=07?
A. 6 B. V6 0 C. 4 D. 7
Loi giai

Chogn A
Taco y=x'+(m—-3)x’ —(m2 —9)x4 +1 =y =8x"+5(m-3)x" —4(m2 —9)x3 :
Y'=0 ©x*(8x* +5(m-3)x—4(m’ ~9))=0

x=0
=
g(x)=8x4 +5(m—3)x—4(m2 —9):0
Xétham sb g (x)=8x"+5(m—-3)x-4(m’-9) c6 g'(x)=32x"+5(m-3).
Ta thiy g’(x) =0 c6 mot nghiém nén g(x) =0 co tbi da hai nghiém
+) TH1: Néu g(x)=0 c6 nghiém x=0 = m=3 hodc m=-3
V61 m=3 thi x=0 la nghiém bdi 4 cua g(x). Khi d6 x=0 1 nghiém bdi 7 ciia y' va y' doi
déu tir am sang dwong khi di qua diém x=0 nén x=0 13 diém cyc tiéu cia ham sb. Vay m =3
thoa ycbt.

x=0
Voi m=-3 thi g(x)=8x"-30x=0< 15 -
X =3—
4
Bang bién thién
* —a0 0 ’E +a0

'

*“\\ . /*‘"
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Cau 58.

Cau 59.

Duya vao BBT x=0 khong la diém cyc tiéu ciia ham sd. Vay m = -3 khong thoa ycbt.
+) TH2: g(O);tO om#13. Pé ham sb dat cuc tiu tai x=0 <:>g(0)>0
om -9<0e -3<m<3.

Do meZ nén me{-2;-1;0;1;2} .

Viy ca hai truong hop ta duge 6 gia tri nguyén ciia m thda ycbt.

(MP 103 BGD&DPT NAM 2017-2018) Co bao nhiéu gia tri nguyén cua tham sé6 m dé ham s6
y=x* +(m—4))c5 —(m2 —16))(?4 +1 dat cuc tiéu tai x=0.
A. 8 B. V6 s C.7 D. 9

Loi giai
Chogn A
Taco y'=8x" +5(m-5)x' —4(m2 —16)x3 =x [8x4 +5(m—4)x—4(m2 —16)] =x".g(x)
Voi g(x)=8x"+5(m—5)x—4(m’-16).
e Truong hop 1: g(0)=0<m=14.
Voi m=4= y'=8x". Suyra x=0 la diém cuc tiéu cua ham so.
Voi m=-4= y'=8x* (x3 —5). Suy ra x =0 khong la diém cuc tri cua ham s6.
e Truong hop 2: g(0)#0< m= 14,

Dé ham s6 dat cuc tiéu tai x =0thi qua gid tri x=0d4au ctia y' phai chuyén tir am sang duong do

d6 g(0)>0=-4<m<4.
Két hop hai truong hop ta duoc 4 <m<4.
Do meZ=>me{-3;-2;-1;0;1;2;3;4} .

Viy co 8 gia tri nguyén cua tham s6 m thoa man.

(KTNL GIA BINH NAM 2018-2019) C6 bao nhiéu gi4 tri nguyén ctia tham sé m dé ham s
y=x"%+(m-5)x" +(m*>-25)x° +1 dat cuc dai tai x=07?
A. 8 B.9 C. Vb s6 D. 10

Loi gidi
Chon B
Taco y'=12x" +7(m—5)x’ + 6(m* —25)x°

TH1: m=5=y'=12x".Khid6 y'=0< x =0 1a nghiém boi 1¢, dong thoi dau cta y* d6i tir

am sang duong, nén x =0 la diém cuc ti€u ciia ham so,do d6 khong théa man, m =35 loai.

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 45




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

TH2: m=-5= y'=x°(12x° =70) = 0= x = 0 1a nghiém bdi chin, do 46 y’ khong ddi dau khi

diqua x=0, m=-5 loai.

TH3: m#z+5=y'=x’ [12x6 +7(m—95)x+6(m* —25)] =x".g(x)
Véi g(x)=12x°+7(m—5)x+6(m* —25), ta thay x=0 khong la nghiém cua g(x).

Dé ham sb dat cuc dai tai x=0 thi y’ phai doi dau tir dwong sang 4m khi di qua x =0, xay ra khi
lim g(x)<0

va chi khi ’i?‘)’ 0<:>6(m2—25)<0<:>—5<m<5
<

Vi m nguyén nén m = {—4; —3;...;3;4} ,vay ¢0 9 gia tri cia m thoa man bai toan.

Cau 60. Tim tat ca tham s6 thuc m déhamsd y=(m—1)x* —(m2 —Z)x2 +2019 dat cuc tiéu tai x=—1

A. m=0. B. m=-2. C. m=1. D.m=2.
Loi giai
Tap xac dinh: D=R.
Taco: ' =4(m-1)x’ —2(m* -2)x
* Piéu kién can:
Diéu kién can dé ham s6 dat cyc tiéu tai x=-11a f'(-1)=0 < —4(m—1)+2(m2 —2)=0

~0
o 2m’ —4m=0 @{m .
m=2

* Piéu kién du:
Truong hop 1: m =0 ham s tro thanh y = —x* +2x% +2019

x=-1
Tacd: p'=0< —4x +4x=0<|x=0

x=1
Bang bién thién:
X — -1 0 1 + o0
V' + 0 - o + 0 -
2020 2020

e

—e0 / \2019/ \_co

Tur bang bién thién ta c6 ham sb dat cuc dai tai x=—1 nén loai m=0.
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Truong hop 2: m =2 ham sd tré thanh y = x* —2x% +2019..

x=-1

Tacd: y'=0<4x’ —4x=0<|x=0

x=1
Bang bién thién:
— -1 0 1 + o
y — 0 + 0 -0 +
+ o 2019 + o
2018 2018

Tur bang bién thién ta c6 ham sb dat cuc tiéu tai x=—1. Chon m=2.

Vay v6i m=2 thi ham sb y:(m—l)x4—(m2 —2)x2 +2019 dat cyc tiéu tai x=—1.

Ciu 61. (CHUYEN TRAN PHU HAI

3
dinh trén tap sb thuc R va co dao hémf'(x):(x—sinx)(x—m—3)(x—\/9—m2) vxeR (m la

PHONG NAM 2018-2019 LAN 02) Cho ham s6 y = f(x) xéc

tham s6). C6 bao nhiéu gia tri nguyén cia m dé hamsd y= f (x) dat cyc tiéu tai x=07?

A. 6

Piéukién 9-m’>0< 3<m

TH1: 0<m<3 tacé BTT

TH2: -3<m<0 taco BTT

B. 7 C.5 D. 4
Loi giai
<3
X | —m 0 9-m* m+3 +0
' - 0 + 0 - 0o+
X —0 0 m+3 9—m2 160

TH2: m=3 taco BTT

NN
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Cau 62.

Cau 63.

X |- 0 6 +a0

y!l - 0 - 0

v \/

Tur d6 suy ra =3 <m <3 = c6 6 gia tri nguyén cia m thoa man.

Dang 4. Tim m d¢ ham s6 ¢6 n cue tri
(PE THAM KHAO BGD&DPT NAM 2017) Tim tt ca cac gia tri thuc ctia tham sb m dé ham sb
y=(m-1)x*-2(m—-3)x* +1 khong c6 cuc dai?

A. 1<m<3 B. m<l1 C.m=1 D.1<m<3
Loi giai

Chon D

TH1: Néu m =1= y =4x” +1. Suy ra ham sb khong c6 cuc dai.

TH2: Néu m>1.

Béhémsékhéngcé cuc dai thi —2(m—3)20<:>m£3. Suyra l<m<3.

Vay 1<m<3.

(MP 104 BGD&DT NAM 2017) Tim tét ca cac gia tri thuc cua tham s6 m dé d thi cua ham so
y=x>=3mx* +4m’ co hai diém cuc tri 4 va B sao cho tam giac OAB co dién tich bang 4 voi

O 1la gbc toa do.

1 1
A. m#0 B.m:—%;m:%
C.m=-1;m=1 D. m=1
Loi giai
Chon C
y'=3x>—6mx.

. 5 3 x=0=y=4m’
V=03x"-mx=0 < .
x=2m=y=0

D0 thi ham sb ¢6 hai diém cuc tri khi va chi khi m =0 .
Khi 6, hai diém cuc tri ciia do 1a 4(0;4m ) va B(2m;0), (m#0).

1

Spom =7 04.0B =4 @%.‘4m3‘|2m|=4<:>m4 =lem=1l1.
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Cau 64.

Cau 65.

Cau 66.

Cau 67.

(THPT HUNG VUONG BINH PHUOC NAM 2018-2019 LAN 01) Tim tit ca cac gia tri cua

3
X 2 12 X X , c g0 R .
tham s6 m dé hamsd y = ey +mx* —2mx +1 c6 hai diém cuc tri.

2
A O<m<2. B.m>2. C. m>0. D. {”” .
m<0

Loi gidi
Tacé: y' =—x"+2mx—2m
3

Ham sb y= —% +mx® —2mx +1 ¢6 hai diém cuc tri < y'=0 c6 hai nghiém phan biét

m>2

<:>A':m2—2m>0<:{ )
m<0

(THPT BA DINH NAM 2018-2019 LAN 02) Tim tit ca cac gia tri ciia tham s6 m dé ham sb
y=x>=3x% +2mx+m cb cuc dai va cuc tiéu?

A.m<§. B.m<—§. C. m<—. D.m>§.
2 2 2

+TXD: D=R
+ ' =3x>—6x+2m

+ Ham sb ¢6 cuc dai va cuc tiéu < y' =0 ¢6 2 nghiém phan biét.
3
<:>A=36—24m>0<:>m<5.

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Tap hop cac gia tri ciam dé ham
) y :%xz’ — mx? +(m+2)x+1 ¢0 hai cuc tri la:
A. (—o;—1]U[2;40)  B. (—o0;-1)U(2;4%0) C. (-1;2) D. [-1;2]
Loi giai
Chon B
Tacd y' =x*—2mx+m+2.Déham sb co hai cuc tri thi » =0 ¢ hai nghiém phan biét nén
m< -1

y’>0<:>A’>0<:>m2—m—2>0<:{
m>?2

(THPT QUYNH LUU 3 NGHE AN NAM 2018-2019) Cho ham s6 y =mx* —x* +1. Tap hop
cac sb thuc m dé ham sb da cho c6 ding mét diém cuc trj 1a
A. (0;+00). B. (—;0]. C. [0;+). D. (—0;0).

Loi giai
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Cau 68.

Cau 69.

Tap xdc dinh D=R.
TH1: m =0 ham s6 da cho trd thanh y=—x"+1 12 mot ham bac hai nén ludn c6 mot cyec tri.

TH2: m#0,tacod y' =4mx’ —2x.
Y =0 dmx’ —2x=0 < 2x(2mx’ -1)=0 <

Pé ham s ¢6 diing mot cyc tri thi phuong trinh 3’ =0 c¢6 dung 1 nghiém.
Ycbt< Phuong trinh (*) c¢6 mot nghiém x =0 hoac vo nghiém suy ra m <0.
Vay m<0.
(THPT - YEN PINH THANH HOA 2018 2019- LAN 2) Cho ham s6 y =mx* + 2m+1)x* +1.
Tim tat ca céc gia tri thuc cia tham s6 m dé ham sb co ding mot diém cuc tiéu.
A.Khongténtai m. B. m=>0. C. mz—%. D. —%SmSO.
Loi giai
Véi m=0,tacod y =x"+1= y'=2x.Khi d6 ham s6 ¢o 1 cuc tri va cuec tri d6 1a cuc tiéu. Suy ra
m=0 thoa mén yéu cau bai toan. (1)
Véi m#0,tacd y'=4mx’ +22m+1)x = 2x(2mx” +2m+1)
m>0

Ham s6 ¢6 mot cuc tri 1a cuc tidu < 5 . »
2mx” +2m+1=0 v6 nghiém

m>0
m>0 )
S om-1 e m<—om>0(2)
<0 2
2m m>0

Tir (1) va (2) suy ra ham s c6 mot cyc tri 1a cuc tiéu khi m > 0.

(CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Tim s cac gia tri nguyén cia tham sb
m dé ham s y = x* —|—2(m2 —m—6)x2 +m —1c¢6 ba diém cuec tri.
A. 6. B. 5. C.4. D. 3.

Loi giai
Ta co y':4x3+4(m2—m—6)x:4x[x2+(m2—m—6)}.
x=0

y'=0 x2+(m2—m—6):0(1)

Ham s6 ¢6 ba diém cyc tri<> (1) ¢6 hai nghiém phan biét khac 0

em—-m—-6<0s-2<m<3.
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Cau 70.

Cau 71.

Ta co: mGZ,—2<m<3<:>m€{—l;0;l;2}.

Vay co 4 gia tri nguyén cua tham sd mdé ham sb ¢6 ba diém cuc tri.
(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Ham sb
y=mx" +(m —l)x2 +1-2m c6 mdt diém cuc tri khi
A. 0<m<1. B. m<0vm=>1. C. m=0. D. m<Ovm>1.
Loi giai
Truong hop 1: m=0 thi ham s6 da cho trd thanh y =—x*+1. Ham sb nay c6 1 cuc trj 1a cuc dai

= m=0 thoa man.

Trudng hop 2: m# 0 thi ham s6 da cho tré thanh y = mx* +(m—1)x* +1-2m

2x=0

Ta co y'=4mx3+2(m—1)x:2x(2mx2+m—l); Yy =0 2mx2+m—1:0<:> e

YCBT < ' d6i ddu mot lan < Phuong trinh (*) v6 nghiém hogc c6 nghiém x=0.

— >1
<:>1—mSO<:> "
2m m<0

Két hop hai trudong hop ta dugc 0<mvm>1.

m=>1

Giai nhanh: V6i a khac 0 thi ham sé di cho ¢6 1 cuc tri <:>abZO:>m(m—1)20<:{ <0
m<

(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) C6 tit ca bao nhiéu gia
tri nguyén ctia m trén mién [-10;10] dé ham sé y =x" - 2(2m+1)x’+ 7 c6 ba diém cuc tri?

A. 20 B. 10 C.VosH D. 11
Loi giai

Chon D

Taco y'= 4x[x2 —(2m+1)] Vi .

x=0

=0
4 <:> x> =2m+1 (*)

Ham s6 da cho c6 ba cuc tri khi va chi khi ' =0 c6 ba nghiém phén biét, hay (*) c6 hai nghiém

phén biét khac O<:>2m+1>0<:>m>—%.

Do me [—10;10] nén c6 11 gié tri thdéa man.
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Cau72. (THPT ANLAO HAIPHONG NAM 2018-2019 LAN 02) Cho ham s6 y = mx* + (m2 - 6)x2 +4

. C6 bao nhiéu sd nguyén m dé ham sb c6 ba diém cuc tri trong d6 c6 ding hai diém cuc tiéu va
mét diém cuc dai ?
A. 4 B. 3 C.2 D.5

Loi giai
Chon C
Tap xac dinh D=R.
Taco y'=4mx’ +2(m*—6)x.

Ham s6 da cho c6 ba diém cuc tri trong d6 c6 ding hai diém cuc tiéu va mot diém cuc dai khi va
dm >0

m(m2_6)<o<:>0<m<\/g.

chi khi {

Do d6 c6 hai gié tri nguyén cua tham s6 m .

Cau73. (KSCL THPT NGUYEN KHUYEN LAN 05 NAM 2018-2019) Tim tit ca cac gia tri thuc cua
tham sb m déham s6 y =mx* +(m—1)x> +1-2m c6 mét cuc tri.

A.m=>1 B. m<0 C.0<m<1 D. m<0um=>1
Loi giai
Chon D
Taco: y'=4mx’ +2(m—1)x
® Trudng hop 1: Xét m =0=> y' = —2x . Ta thiy phuong trinh )’ =0 d6i ddu mot 1an nén ham sb
c6 mot diém cyc tri. Suy ra m =0 (thoa YCBT) (1)

® Trudng hop 2: Xét m =1=> y' = 4x* .Ta thay phuong trinh ' =0 d6i ddu mot 1an nén ham s
c6 mot diém cyc tri. Suy ra m=1 (thoa YCBT) (2)

x=0
® Truong hop 3: Xét m#0, y'=0<| |, 1-m

21y A AL aiR .o 1-m m<0
Pé ham s6 ¢c6 mot diém cuc tri thi 5 <0< ) 3)
m

<0

\ \ m
Tu (1), (2) va (3) suy ra {m o1

&5 Ghi chu: Dung cong thirc tinh nhanh
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Cau 74.

Cau 75.

Cau 76.

Ham s6 c6 mot diém cuc tri khi va chi khi m(m—l)ZOc{ y
m

Dang 5. Puong thing di qua 2 diém cue tri
(MP 104 BGD&DT NAM 2017) Tim gia tri thuc cua tham s6 m dé duong thang
d:y=(2m-1)x+3+m vudng goc v6i dudng thing di qua hai diém cyc tri cta do thi ham s6
y=x=3x*+1.
A.m 23 B. m 23 . ; . i
Loi giai
Chon B
Tacd y'=3x>—6x. Tir d6 ta c6 toa d¢ hai diém cuc tri 4(0;1), B(2;-3). Pudong thing qua hai

diém cyc tri c6 phuong trinh y=-2x+1. Pudng thang nay vudng goc véi dudng thing

y=(2m—1)x+3+m khi va chi khi (2m—1)(—2):—1<:>m:%.

(MA PE 123 BGD&DT NAM 2017) Db thi ham s6 y =x> —3x* —9x+1 c6 hai cuc tri A va B
. Diém nao duéi day thudc duong thing AB?
A. M(0;-1) B. N(1;-10) C. P(1;0) D. Q(-1;10)
Loi giai
Chon B

Taco: y' =3x” —6x—9 thyc hién phép chia y cho y' ta dugc sé dula y=-8x—2.

Nhu thé diém N (1;—10) thudc duong thang AB.

(MP 105 BGD&DPT NAM 2017) D6 thi cua ham s6 y =-x"+3x”>+5 co hai diém cuc tri A va
B. Tinh dién tich S cua tam giac OAB voi O la gdc toa do.
1
A. S5=5 B.S=?O C.5=10 D. 5=9
Loi giai
Chogn A

Taco y'=-3x"+6x=>y' =0 x=0vx=2
Dé déng xac dinh duoc toa do cac diém cuc trila A (0;5); B(2;9)

Vay OA =5;0B =+/85; AB =25
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Cau 77.

Cau 78.

AB+OA+OB
2

Goi p=

Ap dung cong thuc Heron tinh dién tich tam giac OAB ta co

Syous =\P(p—OA)(p—OB)(p— AB) =5

Do thi cua ham sd y= x* =3x*=9x+1 ¢6 hai diém cuc tri 4 va B. Diém nao dudi day thudc
duong thiang 4B .

A. P(1;0). B. M (0;-1). C. N(1;-10). D. O(-1;10).
Loi giai

TXD: D=R.

y'=3x"—6x-9.

L ) 3 x=—-1=>y=6
y'=03x"-6x-9=0<
x=3=>y=-26

Taco A(-1;6), B(3;-26) = AB=(4;-32) nén) Chon n,, =(8;1).
Phuong trinh dudng thang 4B la:
8(x+1)+1(y—6)=0<8x+y+2=0.

Thay toa dd cac diém P,M,N, Q vao phuong trinh dudong théng AB taco diém N (l; —10) thudc
duong thang.

(THPT Xuan Hoa-Vinh Phiic- Lan 1- 2018- BTN) Biét @ thi ham s6 y = x* —3x+1 ¢6 hai diém
cuc tri 4, B.Khid6 phuong trinh dudng thang 4B la
A. y=2x-1. B. y=-2x+1. C.y=—x+2. D. y=x-2.

Loi giai

Chon B

Thuc hién phép chia y cho y' ta duge: y = y’.(%xj+(—2x+l).

Gia str hai diém cuc tri ctia d6 thi ham s6 lan luot 1a: A(xl; yl) va B(xz; yz) .
, 1

n=y(x)=y(x) 3% +(=2x, +1) = —2x, +1

Ta co:

' 1 '
Y2 =y(x2)=y (xz).(§x2j+(—2x2+l)=—2x2 +1

Ta théy, toa d hai diém cuc tri 4 va B thoa min phuong trinh y =-2x+1.
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Cau 79.

Cau 80.

Cau 81.

Vay phuong trinh duong thang qua hai diém cuc tri 1a: y=—2x+1.
(Lwong Vin Chanh - Phat Yén — 2017 - 2018 - BTN) Tim gia tri thuc cta tham s6 m dé duong
thang d:y = (3m + l)x +3+m vudng goc voi dudng thang di qua hai diém cuc tri cta d6 thi ham

s6 y=x*-3x—1.

AL B. L. C.m=1. D. L.
3 6 6 3
Loi giai
Chon B

Xét ham s6 y = x* —3x* -1

Co: y' =3x"—6x, y:(lx—ljy'—bc—l.
3 3
Do d6, dudong thing A qua hai diém cuc tri ctia d6 thi ham sé nay c6 phuong trinh [a y = —2x—1.

Dé d vudng goc véi A thi (3m+l).(—2):—1 & m =—%.

Ao er A . 1
Vay gia tri can tim cua m la m:—g.

(THPT CHUYEN VINH PHUC - LAN 1 - 2017 - 2018 - BTN) Tim tit ca cic gia tri cia tham
sb m dé do thi ham sé y = x* +2x” +(m—3)x+m c6 hai diém cyc tri va diém M (9;—5) nim trén
duong thang di qua hai diém cyc trj ctia do thi.

A. m=-1. B. m=-5. C. m=3. D. m=2.
Loi giai
Chon C

Tacd y' =3x> +4x+m—3, & ham sb c6 hai diém cuc tri thi phuong trinh y' = 0 ¢6 hai nghiém

phan biét A’ >0 < m< %(*)

Tacod y= y’.[lx + %j + [2_m —é) X+ Im + 2 nén phuong trinh duong thang di qua hai diém
39 3 9 9 3
cuctrila y= (%—%} x+ %n + % Theo gid thiét, dudng thang ndy di qua M (9;—5)nén m=3

(théa man diéu kién (*)).

(PTNK Co S&2 - TPHCM - 2017 - 2018 - BTN) Tim gié tri thuc ciia tham s m dé duong thing
y=(2m—1)x+m+3 song song v&i duong thang di qua cac diém cuc tri cia dd thi ham sb
y=x =3x>+1
A.mzi. B.m=l. C.m:—i. D.mz—l.

4 2 4 2
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Cau 82.

Loi gidi
Chon D
x=0
x=2

Suy ra dd thi ham s6 c6 hai diém cuc tri 1a 4(0;1), B(2;-3)= 4B =(2;-4).

Ham sd y=x*-3x*+1 cO TXD: R; y' =3x% —6x; y'zOC{

Dudng thing d di qua hai diém 4, B ¢6 phuong trinh: % = y—;l o y=-2x+1.
\ 2 roas 2 2m—1=-2 1
Duong thang y =(2m—1)x+m+3 song song v6i duong thing d < 1. SMETT
m+3#

(TT Tan Hoéng Phong - 2018 - BTN) Tim tong tit ca cc gia tri thuc cua tham sé m sao cho

duong thang di qua hai diém cuc tri cia d6 thi ham s y = 2x’ +3(m —l)x2 + 6m(l —2m)x song

song duong thang y = —4x .

A.m=—§. B.mz%. . 3
Loi giai

Chgn A

X=m

Tacéd y'=6x"+6(m—1)x+6m(1-2m), y’:0<:>{x:1_2m,

X 1y ISR s 1
Dehamsocohalcuctmthlm¢1—2m<:>m¢§.

Hai diém cuc tri cta do thi ham s6 1a A(m;—7m3 +3m2), B(I—Zm;20m3 —24m? +9m—1) . Do d6

AB = (1—3m;(3m—1)3). Do d6 AB c6 vecto phéap tuyén la n = ((3m—l)2 ;1).

Do do AB:(3m—1)2x+y—2m3+3m2—m:0 <:>y:—(3m—1)2x+2m3—3m2+m.

Pé duong thang 4B song song véi duong thang y = —4x thi:

m=1
1
m:—g
~(3m—1) =—4
S m2E0 om=——

2m® =3m* +m#0 1
m#—

2

m#1
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Dang 6. Tim m dé ham s6 c6 cwe tri théa mén diéu kién cho truéc
Ciu 83. (PE THAM KHAO BGD&DPT NAM 2017) Goi S 1a tip hop tit ca cac gia trj thuc cta tham sb
9 \ /4 1 2 J
m dé d6 thi cuia ham s6 y = §x3 —mx? +(m2 —l)x c6 hai diém cuc tri 4 va B sao cho 4,B nam

khac phia va cach déu duong thang d : y = 5x—9 . Tinh tong tit ca cac phéan tir ciia S .
A. 3 B. 6 C. -6 D. 0

Loi giai
Chon D

Cich 1: Tac y'=x"—2mx+(m’ —1)

—m—1 3 3 a3
y=0o| T T o et EE3ME 2 Bl 32
x=m+l1 3 3

m(mz—l)

. , 2 ,
D¢ thay phuong trinh duong thang AB:y = —Ex + nén AB khong the song song hodc

trung v6i d = A,B céach déu duong thang d : y = 5x —9 néu trung diém / ciia AB nam trén d

=3
m’ =3m m® =3m "
1| m; ed= =Sm-9<m -18m+27=0 < _
[ 3 3 335
2

V6i m=3= A,B thoa diéu kién nam khac phia so voi d .

34345
2

Véi m = = A, B thoa diéu kién nam khac phia so véi d .
Tong cac phan tir ciia S bang 0.
Ciau84. (THPT LE QUY PON PIEN BIEN NAM 2018-2019 LAN 01) Cho ham sb

y= %mx3 —(m—1)x* +3(m—2)x+2018 véi m la tham so. Tong binh phuong tat ca céc gid tri

cua m d€ ham so6 co6 hai diém cuc tri x;;x, théa man x, +2x, =1 bang

A B. 22 c. 2 .5
9 9 4 3
Loi gidi
Chogn A

Tacod y'=mx’ —2(m—l)x+3(m—2)

Dé ham s6 c6 hai diém cuc tri thi phuong trinh mx* — Z(m - 1) x+3 (m — 2) = 0 phai c6 hai nghiém

phan biét.
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Cau 85.

Cau 86.

m#0 m=0
= e
A=(m-1) =3m(m-2)>0 " |-2m* +4m+1>0

2(m-1
X.+ X, =—(m )
m
Theo dinh ly Vi-ét ta c6 3 ( m— 2)
XX, =——=
m
3m—4
2(m—1) X = m
Xt Xy =——— m
Theo bai ta c6 h¢ phuong trinh m 2(m—1) Y—m
X +2x, =1 x, =1- =
m m
m=2(t/m)
— — 3(m—-2
L dm=42-m 3 ):3(2—m)m+(3m—4)(2—m)=0c>
m m m ng(t/m)
Vay m’ +m,’ =ﬂ.
9
(GKI THPT LUONG THE VINH HA NQI NAM 2018-2019) Tim tét ca ca cc gia tri ctia tham
sémdé y=x>—3x% +mx—1 dat cuc tri tai x,,X, théa man x> +x’ =6
A.m=-3 B. m=3 C. m=-1 D. m=1

Loi giai

Chgn A
y'= 3x% —6x + m. Ham sb dat cuc tri tai x;,x,.Vay x;,x, la nghiém ctua phuong trinh y'=0

X +x,=2

Theo viet ta co m
XX, =—

3
2 2 2
X, +x, =(x+x,)" —2x,x,

RN R N
3 3
C6 bao nhiéu gia tri nguyén cia tham sb m dé dd thi ham s y:x3—8x2+(m2+11)x—2m2+2

¢6 hai diém cuc tri ndm vé hai phia cua truc Ox.
A. 4. B. 5. C. 6. D. 7.

Loi giai

Chon D
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Cau 87.

Cau 88.

Yéu cau bai toan <> dd thi ham s6 cat truc hoanh tai ba diém phan biét

& x* =8x> +(m’ +11)x—2m* +2=0 c6 ba nghi¢m phén biét

X =8x 4 (m? +11)x=2m* +2=0 < (x—2)(x* = 6x+m’ =1) =0
x=2
= 2 2
x —6x+m —1=0(*)
Suy ra phuong trinh (*) ¢6 hai nghiém phan biét khac 2
A'=10-m*>0 [m=+22
= =
m*—8=0 —\/E<m<\/m
Vay co 7 gia tri nguyén ciia tham s thoa man dé bai.

(CHUYEN HA LONG NAM 2018-2019 LAN 02) Cho ham sb
y=x"=(2m+1)x*+(m+1)x+m—1. C6 bao nhiéu gi4 tri cia s6 tw nhién m <20 d& do thi ham

s6 ¢o hai diém cuc tri ndm vé hai phia truc hoanh?
A. 18. B. 19. C. 21. D. 20.

Loi gidi
+ Ta co: yz(x—l)(x2 —2mx+1—m).
+ Ham s6 ¢6 hai diém cuc trj ndam vé hai phia truc hoanh khi va chi khi dd thi ycét truc hoanh tai

ba diém phan biét. < y = (x —1)(x”* = 2mx+1-m)=0 c6 ba nghiém phan biét.

& x* —2mx+1-m =0 c6 hai nghiém phan biét khac 1.

~1-5
m<
2
2im-1>0
ST = m>_1+‘/§.
2-3m#0 2
m#=
3

+DomeN,m<20 nén 1<m<20.Vayco 19 s6 tu nhién théa man bai toan.

(CHUYEN KHTN NAM 2018-2019 LAN 01) C6 bao nhiéu gia tri nguyén ciia tham sé m dé db
thi cia ham s6 y = x° —(m+1)x* +(m2 —2)x—m2 +3 ¢6 hai diém cuc tri va hai diém cuc tri d6

nam vé hai phia khac nhau déi véi truc hoanh?
A. 2. B. 1.

C.3. D. 4.

Loi giai
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Cau 89.

Cau 90.

Ta co y’:0<:>3xz—2(m+1)x+m2 -2=0.

DPé ham s6 c6 hai diém cuctri < A'>0< 2m> +2m+7>0 <

1—;/E<m<1+g/ﬁ(*).

Ta lan luot thir bn gia tri nguyén ciia m thoa man (*) la -1;0;1;2.

Ta duoc bdn ham sb

y=xX —x+2%y=x —x>=2x+3y=x"-2x"—x+2;y=x -3x* +x-1.
Khi d6 ta nhan thiy chi c6 m =1 théa mén yéu cau bai toan.

(THPT LE QUY DPON PIEN BIEN NAM 2018-2019 LAN 01) Cho ham sb

y=2x"+ 3(m — 1)x2 + 6(m — 2) x —1 voi m 1a tham s6 thuc. Tim tat ca cac gia tri cia m dé ham
$6 o diém cuc dai va diém cuc tiéu nim trong khodng (—2 ; 3) .
A.me(-1;3)uU(3;4). B.me(L;3). C. me(3;4). D. me(—1;4).
Loi giai
Chon A
Taco: y'=6x" +6(m—1)x+6(m—2)
DPé ham s6 c6 diém cuc dai va diém cuc tiéu nam trong khoang (—2; 3) & pt y'=0 co6 2 nghiém
thudc khoang (—2; 3)

x4 (m — 1)x + (m — 2) =0 c6 2 nghiém thudc khoang (—2; 3)

@(x+1)(x+m—2):()

x=-1€(-2;3)
=
XxX=2—m
2 -1 3
YCBT <1~ "7 e
2<2-m<3 |-1<m<4

(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Tdng tt ca cac gi tri
thuc cua tham s m dé ham sd: y= 3x° +2(m + l)x2 —3mx+m—>5c6 hai diém cuc tri X5 X, déng
thoi y(x,).p(x,)=0 la:

A. 21 B. -39 C. -8 D. 3J/11-13
Loi giai

Chon A
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Cau 91.

+) Dé ham s6 ¢6 hai cuc tri thi phuong trinh ' =0 phai c6 hai nghiém phan biét:

¥ =9x” +4(m+1)x—3m c6 hai nghiém phan biét < A'=4(m+1)"+27m >0

+) Xét y(xl).y(xz) =0 néntacod y=3x" +2(m+l)x2 —3mx +m— 5 phai tiép xtic v6i truc hoanh
= 3x’ +2(m+1)x2 —3mx+m~—5=0 phai c6 nghiém kép

& (x=1) 35> +(2m+5)x—m+5 | =0(1) phai c6 nghiém kép

+) TH1: Phuong trinh 3x° +(2m+5)x—m+5 =0 c6 mot nghiém x=1=>m, =-13

+) TH2: Phuong trinh 3x° +(2m +5)x—m +5=0 c6 nghiém kép khac 1

= A=(2m+5) -12(5-m) =0 4m* +32m—35=0=> m, +m, = -8

=>m +m,+m, =-21

(THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Goi S la tap céc gié trj duong cia

tham s6 m sao cho ham S(A)yzx3 —3mx* +27x+3m—2 dat cuc tri tai x,,x, thoa man |x1 —x2| <5
. Biét S=(a;b]. Tinh T=2b-a.
A . T=+51+6 B. 7=+/61+3 C. T=61-3 D. T=51-6
Loi giai
Chon C

) Tacd y =3x"—6mx+27, y =0 x* —2mx+9=0 (1)

+) Theo gia thiét ham s6 dat cuc tri tai x,,x, <> phuong trinh (1) c6 2 nghiém phan biét

, 2 m>3
SA>0 om -9>0 (*)
m<-=3
e A 1A . . , " ., X +x,=2m
+) Vi di€u kién (*) thi phuong trinh (1) c6 2 nghiém x,,x,, theo Vi-ét ta co: 9
XXy =

+) Talai¢6 |x, —x,|<5 & (x,—x,) €25 (x, +x,) —4xx, 2550

61 J61

@4m2—6130©—73m57 (*%*)

J61

+) Két hop (*), (**) va diéu kién m duong ta duoc: 3 <m < 5

a=3

=1 Jo1 =T =2b-a=61-3.
2
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Cau 92.

Cau 93.

Cau 94.

(SO GD&PT BAC GIANG NAM 2018-2019 LAN 01) Goi S 14 tap hop céc gia tri nguyén cia
3
tham s6 m déhamsd y :%—sz +mx+3 c6 hai diém cuc tri xX,x,<4. S6 phan tir ciia S bang

A.5. B. 3. C.2. D. 4.
Loi giai
3

Ta co: yzx?—sz +mx+3=y'=x"—dx+m.

Ham s6 c6 hai diém cuc tri X,,x, thi phuong trinh y'=0 c6 hai nghiém phan biét

SA'>004-m>0om<4.

X, =2-V4-m
X, =2+4-m

Yéu cau bai toan tré thanh x, <4 < 2+/4-m <4< 0<m<4,

Khido gid st x, <x,, y'=0&

Két hop v6i m <4 ta duoc 0<m<4. Do mnguyén nén m e {0;1;2;3} . Vay c6 4 gia tri cua m
thoa min yéu cau bai toan.

(TOAN HOQC TUOI TRE NAM 2018 - 2019 LAN 01) Tim gia tri thuc cta tham s6 m dé ham
6 y=x’ +4(m—2)x> —7x+1 c6 hai diém cuc tri x,;x, (x, <x,)thoa man |xl| —|x2| =—4

7

A.m=5. B. m= C.m=3. D.mzz.

1

5
Loi giai

Tacd y=x +4(m—2)x2 —7x+1(1)

= y'=3x" —|—8(m—2)x—7 . Xét phuong trinh 3x” +8(m—2)x—7:0 (2)

A'= [4(m—2)]2 +21>0, véi moi m = ham sb (1) ludn c6 hai diém cuc tri X,;X,vé1 moi m .

*Ta thiy ac = —21< 0 = phuong trinh (2) ¢6 2 nghiém trai dau

=x, <0;x,>0 :>|x1|:—x1;

x2|:x2

8(m—2)

“Tact [x|—fu| = —4 = —x - =—4 & —(n +x) =4 &~

:—4<:>m=l
2

(PEN I - THAY LE ANH TUAN - PE 3 - NAM 2019) C6 bao nhiéu gia tri nguyén cta tham s6
m dé diém MQ2m’;m) tao voi hai diém cuc dai, cuc tiéu cia d6 thi ham sb
y=2x"=3C2m+1)x*+6m(m+Dx+1 (C) mdt tam giac c6 dién tich nho nhat?

A. 0 B. 1 C.2 D. khong ton tai

Loi giai
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Cau 95.

Cau 96.

Chon B
Tacod y'=6x" —6(2m+1)x+6m(m+1)

xX=m .
y'=0<:>{ 1:VmeR,hélmsf)luéncc')CB,CT
x=m+

Toa dd cac diém CD, CT cua d0 thi 13 A(m;2m* +3m* +1), B(m +1;2m* + 3m*)
Suyra 4B = V2 va phuong trinh duong thang AB:x+y—2m’ —3m> —m—1=0
Do d6, tam giac MAB c6 dién tich nho nhét khi va chi khi khoang cach tir M téi AB nhé nhit

3m*+1_ 1

NG

(HSG BAC NINH NAM 2018-2019) Tim tit ca cac gia tri thyc cua tham sb thuyc m dé duong
thang di qua hai diém cuc dai, cuc tiéu clia dd thi ham s6 y = x* —3mx +2 cét dudng tron (C) ¢6

Tacod d(M,AB) = dau "="khi m=0

tam [ (1;1) , ban kinh bﬁng 1 tai hai diém phan biét A,B sao cho dién tich tam gidc IAB dat gia tri

16n nhat.

243 243 1+3 2445
3 m = D m=

A.m= C. m=

2 2 ) 2
Loi giai

Taco: y' =3x>—3m suyra dd thi ham s6 co6 diém cuc dai va cuc tiéu khi m > 0. Cac diém cuc
dai, cuc tiéu cta dd thi ham sb 1a C(—x/%;2+2mx/a);D(\/E;2—2m\/Z).
Puong thang A di qua cac diém CD, CT cua do thi ham s ¢6 phuong trinh 1a: y = —2mx+2. Do

d(1,8) 2m—1|

4w +1

diém A, B phan biét. D& thiy m 2% khong thda man do A/, B thiang hang.

<R=1 (vim>0)= A ludn cit dudng tron tam / (1;1), ban kinh R=1 tai 2

Véi m# %: A khong diqual, ta co: S, =%IA.IB.sin AIB S%Rz 21.

Do d6 S,,,, 16n nhit bang % khi sin AIB =1 hay AAIB vudng can tai | < [H =

2m—1
| m-1 _ = & ( H 1a trung diém cua AB)
\/4m +1 \/_ 2

(PE 04 VTED NAM 2018-2019) Biét dd thi ham s y =x’+ax* +bx+c c6 hai diém cuc tri

R_1
NG

M (x;»,),N(x,;y,) théa man x (y,—»,)=y(x—-x,). Gid tri nho nhat ciia biéu thic
P =abc+2ab+3c bang
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A -2 B. -2 c. -5 p. -/
4 4 36 6
Loi giai
Chon A

Tacod y' =3x"+2ax+b

2
Chia y cho y' ta dugc y=y'(%x+éaj+[—a——%jx+c—a—b.

(& 2b ab a 2b ab
<X, —?—? x2+c—? =X, —?—? x1+C—?

=2’ C—Qszz(c—a—bjcnr—%:O(xl #Xx,) < ab=9c

2
Ta co: P:abc+2ab+3c:9cz+ZIC:(3C+%J —47492—%

Viy gia tri nho nhit cua biéu thic P = abc +2ab + 3¢ bang —?

Dang 7. Tam giac cwe tri

Cau 97. (PE MINH HQA GBD&PT NAM 2017) Tim tit ca cac gia tri thuc ciia tham sé m sao cho dd
thi ciia ham s6 y = x* + 2mx* +1 ¢ ba diém cuc tri tao thanh mot tam giac vudng can

A.mzi. B. m= C m:—L D. m=-1.

% .m=1. : 5

Chon D
Ham sb y = x* + 2mx* +1 ¢6 tap xac dinh: D=R
=0

fon ()

Ham s6 ¢6 3 cuc tri khi va chi khi phuong trinh (*) c6 2 nghiém phén biét khac 0

X
Ta cé: y':4x3+4mx;y'=0c>4x3+4mx=0c>4x(x2+m):0<:>{
X

S-m>0m<0.
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Cau 98.

Cau 99.

Vay toa do 3 diém ln luot la: A(0;1); B(—=m;1-m’ ); C(N=m;1-m’)
Ta co E:(_@;_mz);ﬁ':(M;_mz)
Vi A4ABC vuong can tai A:E.R=O©—M+mz.m2 =O<::>—|m|+m4 =0 m+m'=0

Sm=-1(vim<0)

Vay véi m =—1 thi ham s6 ¢ 3 cuc tri tao thanh mot tam giac vuong can.

(MP 105 BGD&PT NAM 2017) Tim tit ca cac gid tri thyc ciia tham sb m dé d thi cua ham sb
y= x* —2mx? ¢6 ba diém cuec tri tao thanh mot tam giac ¢6 dién tich nho hon 1.
A. O<m<1 B. m>0 C.O<m<§/Z D. m<1
Loi giai
Chon A
Tap xac dinh D =R
YA
e TN
Y |
B Hi A

Tacod y' =4x" —4mx. y’=0<:>4x3—4mx:0<:>[x

Ham s6 c6 ba diém cuec tri khi va chi khi m>0. Khi d6 dd thi ham s6 c¢6 ba diém cuc trj 12
0(0,0), A(Nm;-m?), B(~Jm;-m?).

1

AOAB — E

Do dé S OH.AB=%m2.2M=m2M<1@0<m<1.

(THPT LE QUY PON PA NANG NAM 2018-2019) Goi S 1a tap hop tit ca cic gia trj ciia tham
sb m dé dd thi ham s6 y =x*—2(m+1)x” +m’ c6 ba diém cyc tri tao thanh ba dinh ctia mot tam
gidc vudng. SO phan tir cta tap hop S 1a
A. 2. B. 0. C. 4. D. 1.

Loi gii

. y:x4—2(m+1)xz+m2 :>y':4x3—4(m+1)x:4x(x2—m—1).
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Cau 100.

Cau 101.

« Ham s6 ¢6 3 diém cyc tri < y'=0 c6 3 nghiém phan biét.
& x* —m—1=0 c6 2 nghiém phan biét khac 0.
& -m—1>0.
&Sm<—1.
x=—m+1
Khi d6: y'=0<|x=0
x=Am+1

« Giastt 4, B, C 1a ba diém cuc trj ctia dd thi ham sd.
:>A(—\/m+ ;—2m—1),B(O;m2),C(x/m+ ;—2m—1)
:E=( m+1;(m+1)2),a§=(—\/m+1;(m+1)2)

. m=-1
AABC vudngtai B< AB.CB=0 <:>—(m+1)+(m+1)4:0<:>{ 0 =>m=0.
m=

(THPT POAN THUQNG - HAI DUONG - 2018 2019) Cho ham s6 y =x" —2mx” +1(1). Téng
1ap phuong cac gia trj cia tham sé m dé do thi ham sb (1) c¢6 ba diém cuc tri va duong tron di qua

3 diém nay c6 ban kinh R =1 bang

A.#. B. ”2*/5. C.2++5. D. —1++5.
Loi gidi
> TXD: D=R.

> y'= 4x3 —dmx = 4)c()c2 —m).

> Pé db thi hs (1) ¢6 3 diém cuc tri <> m > 0.

> Goi A(0; 1),B(\/;;—m2 +1), C(—\/E; —m” +1) 1a cac diém cuc tri cta db thi hs (1), 7(0;—m" +1)
1a trung diém BC.

Taco AI:mz,AB:AC=\/m+m4.SuyralAI.BC:MQR: 241
2 4R AB.AC
‘m=0 ()
m=1 (n)
2
2m —=lom'-2m’+m=0& mz_l_\/g ()
m+m 7
~1++/5
= (n)

(THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Tim tit ca cac gia tri thuc cua tham sb
m dé dd thi ham s y= x* =2m*x* +m+4 c6 ba diém cuc tri tao thanh ba dinh cia mot tam giac
déu?

A. ME{O;\/g;—\/g} B. me{O;f/g;—f/g} C. me{f/g;—(’/g} D. ME{—\/g;\/g}
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Cau 102.

Loi giai
Chon C
Do thi ham sb ¢6 3 diém cuc tri < m#0.
Khi d6, 3 diém cyc tri cua do thi ham s6 1a 4(0;m+4), B(|m
C(—|m

;—m4+m+4),

;—m4+m+4).

Tam gidc ABC c¢6 AB= AC néntam gidc ABC cintai A, suy ra tam giac ABC déu

m=0

<:>AB=BC<:>\/m2+m8:2|m|<:>m8+m2:4m2c> .
m:iﬁ/g
Két hop diéu kién ta dugc me{—?/g; 9/5}

(THPT QUANG TRUNG PONG PA HA NQI NAM 2018-2019) Tim m dé do thi ham sb
y=x*—2m?x* +1 c6 3 diém cyc tri lap thanh mot tam gidc vudng can.
A.m=1. B. me{-1;1}. C. me{-1;0;1}. D. med.
Loi giai

y=x"=2m*x* +1.
+ Cach 1:
Ham s6 ¢6 3 cuc trj <>ab<0 < —2m* <0< m=0.
y' =4x’ —4m’x
Y =0 4x —4m’x =0

<:>4x(x2 —m2)=O

X = 0 W =1
S|x,=m =\, =—m" +1

X, =—m y, =-m* +1
Gid sir 4(0;1), B(m;—m' +1), C(-m;—m"* +1) 143 diém cyc tri cia 0 thi ham 0.
ZE:(m;—m“):ABz m> +m® .
AC =(-m;=m" )= AC =\m* +m" .

Yéu cau bai toan < AABC vudng can tai 4

AB = AC meR
S Rt 5 o <:>—m2(1—m6):0
AB.AC =0 -m - +m° =0
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m=0 ()
S| m=1 (n).
m=—1(n)

Vay me{-1;1}.

+ Cach 2: (Ap dung cong thirc tinh nhanh cyc tri ham tring phuong)

ab<0 ~2m* <0 » m#0
, m
Yéu cau bai toan < { —84 | & 8 _ 1 { . em=1 (n).
b (—Zm2 )3 "= m = —1(n)

Vay me{-1;1}.

Dang 8. Bai toan cwe tri ham sb chira déu tri tuyét déi
Céu 103. (PE THAM KHAO BGD & DT 2018) C6 bao nhiéu gia tri nguyén cta tham sé » dé ham sb
y= ‘3x4 —4x* —12x* +m| ¢6 7 diém cuc tri?
A. 5 B. 6 C.4 D. 3
Loi giai.
Chon C

y:‘f(x)‘ =‘3x4 —4x’ —12x° +m‘

Ta co: f'(x)=12x3—12x2—24x.; f’(x)=0<:>x:0 hodac x=-1 hoac x=2.

T —ao -1 0 2 + e
Jlx) - o + 0 - 0 @+
: + o " + oo
Flx) \ /' \‘ /
m—=5 m—32

Do ham s f(x) ¢ ba diém cuc trj nén ham sb y= ‘f(x)‘ c6 7 diém cuec tri khi

m>0 \
{ s O<:>O<m<5.Véycé4giétringuyénthéadébélilém=1;m=2;m=3;m=4.
m-5<

Ciu 104. (CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Biét phuong trinh ax® +bx*> +cx+d =0
(a#0) c6 ding hai nghiém thuc. Hoi d6 thi ham s6 y = ‘ax3 +bx? + ex + d| ¢6 bao nhiéu diém cuc

tri?
A. 4. B. 5. C.2. D. 3.
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Loi giai

Phuong trinh ax’ +bx* +cx+d =0, a # 0 1a sy tuong giao cua dd thi ham sb
ax’ +bx* +cex+d =0, a # 0 va truc hoanh.

Do phuong trinh ax’ +bx* +cx+d =0, a # 0¢o6 ding hai nghiém thyc nén phuong trinh
ax’ +bx* + cx +d = 0 ¢6 thé viét du6i dang a (x—x, )2 (x—x,)=0 voi x,, x, la hai nghiém thyc
ctia phuong trinh (gia sir X, <x,). Khi d6 db thi ham s6 y =ax’ +bx* +cx+d (a #* O) tiép xuc

truc hoanh tai diém c6 hoanh d§ x, va cat truc hoanh tai diém c6 hoanh d¢ x, .

Do thi ham sé y=ax’ +bx’* +cx+d (a;tO) ung vai tung truong hop a>0 va a<O0:

\y y
1 a>0

a<0

D6 thi ham s6 y = |ax® + bx? +cx+d‘ (a=0) tuong img la

y

Vay d6 thi ham s y = ‘ax3 +bx* +ex + d‘ (a#0) co tat ca 3 diém cuc tri.

Céu 105. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Tim sé céc gi tri nguyén cta tham sd

m d& d6 thi ham s6 y = ‘x“ —2mx* +2m* +m— 12‘ c6 bay diém cuc tri
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Cau 106.

A. 1. B. 4. C.0. D. 2.
Loi giai
D6 thi ham s6 y = |x* —2mx®> +2m> + m—12| c6 bay diém cuc tri khi va chi khi do thi ham s
y=x*—2mx* 4+ 2m* +m—12 cit truc hoanh tai bon diém phan biét
m’ —(2m’ +m—12)>0
x* —2mx* +2m* +m—12=0 cb bdn nghiém phan biét khi va chi khi {2m >0
2m* +m—12>0

—4d<m<3
s1im>0 <:>_l+\/ﬁ<m<3
m<_1_4\/ﬁ\/m>_l—;\/ﬁ

Vay khong c6 gia tri nguyén cua tham s6 m dé d6 thi ham sé y = ‘x“ —2mx* +2m* +m— 12‘ co

bay di€ém cuyc tri.

(HSG BAC NINH NAM 2018-2019) S5 diém cue tri ciia ham s6 y =|(x—1)(x~2)'| 1a
A.2 B.2 C.3 D. 4
Loi gidi

Xét ham s6: y:(x—l)(x—Z)Z=x3—5x2+8x—4.
2
y'=3x>-10x+8. Lic d6: y =0<=3x"-10x+8=0 < 4.
3
V& d6 thi ham s y=‘(x—l)(x—2)2‘ bang cach v& dd thi y = x* —5x* +8x—4, giit nguyén phan

dd thi ndm phia trén truc hoanh, 1ol léy ddi xung qua truc hoanh phén dd thi & dudi truc hoanh,
sau do xo0a phﬁn dd thi ndm duéi truc hoanh.
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. A . N X 20, A \ A \ , <R .
Dua vao d6 thi him s6 y = ‘(x—l)(x—2) ‘ & trén, ham s6 nay c6 3 diém cuc tri.

Cach 2:
Béng bién thién:
4
X —0 - 2 400
3
S (%) + 0 — 0 4

f@ | T N

SO diém cuc tri cia ham s6 y = ‘f(x)‘ bang tong so diém cuyc tri cia ham s6 y = f(x) va so

nghiém don, nghiém bdi 1¢ cua phuong trinh f (x) =0.

Ham sd y =x* —5x* +8x—4 ¢ 2 diém cyc tri.

Phuong trinh y =(x—1)(x— 2)2 ¢ hai nghiém nhung chi ¢6 1 nghiém don x=1.
Do d6 sb diém cuec tri cia ham sb y = ‘(x—l)(x—2)2‘ la 2+1=3.

Cau 107. (MA DE 110 BGD&DPT NAM 2017) Cho ham s y = f'(x) c6 bang bién thién nhu sau

xr |—oo -1 3 +o0

y' + 0 — 0 +

5 ’+°°
y / \\ /
Sy

D6 thi cia ham s6 y = ‘ f (x)‘ ¢ bao nhiéu diém cuc tri?

A. 4 B. 2 C.5 D. 3

Loi giai
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Tir bang bién thién ta thiy d6 thi y =1 (x) ¢6 2 diém cuc tri nim phia trén truc Ox va cit truc

Ox tai 1 diém duy nhat. Suy ra o thi y =|f(x)| s& c6 3 diém cyc tri (tham khao hinh v&)

Céu 108. (KTNL GIA BINH NAM 2018-2019) Cho ham sé y = f(x) c6 bang bién thién nhu sau.

T — o -2 4 + oo

y' + 0 - 0 +

LN

Ham s6 y = £ (|x—3|) c6 bao nhiéu diem cyc tri

A. S B. 6 C.3 D. 1
Loi giai
Chon C

y=f(]x-3]) (1).Ddt t=[x—3],>0Thi (1) trd thanh: y = f(£)(t > 0)

Co 1= J(x-3) 1= 23
(x-3)°
Co y, =t/ (1)
0 x=3 x=3
, . { =
yx=0<:>txf(t)=0<:{", S|t="2L)=|x=7
S0=01,_4 x=—1

Lay x=8 c¢67'(8) /'(5) > 0, dao ham ddi dau qua cac nghiém don nén ta c6 bang bién thién:

& = -1 3 7 o0

y’ - '> t = \5 '
3 e \(-T /CEI\,:T / Foo

Dua vao BBT thi ham $6 y= f(|x—3|) co 3 cuc tri.

Ciu 109. (GKI THPT VIET PUC HA NQI NAM 2018-2019) Cho ham sb y = f(x) xac dinh, lién tuc

trén R va c6 bang bién thi€n nhu sau:
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X |—>» -1 3

¥ + 0 - 0 +

Do thi ciia ham 0 y = ‘ f (x)‘ ¢ bao nhiéu diém cyc tri?

A. 2 B.3 C. 4

Loi giai

D.5

Ttr bang bién thién ta thay d6 thi y = f (x) ¢6 2 diém cuec tri nam phia trén truc Ox va cit truc Ox

tai 1 diém duy nhat. Suy ra d6 thi y = ‘ f (x)‘ s& ¢6 3 diém cyec tri (tham khao hinh v&)

Ciu 110. (GKI THPT VIET DUC HA NQI NAM 2018-2019) Cho ham sé y = f(x) c6 bang bién thién

nhu sau

x |—o0 -1 3 +oo

Y + 0o - 0 +
+o0

5
y / \
/ \1
— 00

D6 thi cia ham s6 y = ‘ f (x)‘ ¢ bao nhiéu diém cuc tri?
A. 5 B.3 C.4
Loi gidi

Chon B

.2
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Cau 111.

Cau 112.

Ttr bang bién thién ta thdy dd thi y= f (x) c¢6 2 diém cuec tri nam phia trén truc Ox va cit truc Ox

tai 1 diém duy nhét. Suy ra do thi y =|f(x)| s& c6 3 diém cyc trj (tham khao hinh v&)

(TOAN HOQC TUOI TRE NAM 2018 - 2019 LAN 01) Cho ham sb
a>0,d>2019

. S6 cuc tri cua ham s6
a+b+c+d—2019<0

f(x):ax3+bx2—|—cx—|—d (a,b,c,d €eR) va {

y=|g(x)| (véi g(x)=/(x)—2019) bing

A. 2. B.5. C.3. D. 1.
Loi giai

+ Taco

lim g(x):—oo

X——00

g(0)=d—2019>0

g(l):a+b—|—c—|—d—2019<0 = g(x)zO c6 ba nghiém phan biét, ma g(x) 12 ham s6 bac

lim g(x) =+00

Lx—+00
ba. Suy ra, hAam s6 y = g(x) ¢6 hai diém cuc tri.
+ Vay dd thi cia ham sb y=g (x) 12 d6 thi ctia ham sb bac ba, ¢6 hai diém cuc tri va cét truc Ox
tai ba diém phan biét. Do d6, s6 diém cuyc tri ctia ham s§ y = ‘ g (x)‘ bang 5 = s cuc trj ciia ham
O y= ‘g(x)‘ bang 2 hoic bang 3.
(SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) C6 bao nhiéu gia tri
nguyén cua tham sb m dé ham s6 y = ‘3x4 —4x> —12x% + m?| c6 dung 5 diém cuc tri?
A. 5. B. 7. C.6. D. 4.

Loi giai
Xétham sd f(x) =3x* —4x* —12x* +m*; f'(x) =12x° —12x* —24x

f'(x)=0x,=0;x, =—I;x, =2. Suy ra, ham s6 y = f(x) c6 3 diém cuc tri.
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Cau 113.

= Ham s y =[3x* —4x* —12x* +m?| ¢6 5 diém cuc tri khi d6 thi ham s6 y = f(x) cét truc hoanh

tai 2 diém phan biét < 3x* —4x* —12x> + m* =0 ¢6 2 nghiém phan biét.
Phuong trinh 3x* —4x’ —12x* + m* =0 < =3x* +4x° +12x* =m?* (1).

Xét ham s6 g(x) =—3x* +4x° +12x%; g'(x) =—12x° +12x% + 24x.

Bang bién thién:
X —oD -1 0 2 +a0
g'(x) + 0 - 0 + 0 —
g (x) 3 / 32
) / \0 \_DC

m* <0

5. 2<32<:> 5<|m|<\/3_2.
m

Phuong trinh (1) cé 2 nghiém phan biét < [

Vay m e {3;4;5,-3;—4;-5} .

(HSG BAC NINH NAM 2018-2019) S6 diém cuc trj ciia ham sé y = ‘(x—l)(x—2)2‘ la

A.2 B. 2 C.3 D. 4
Loi giai
Xétham s6: y = (x—1)(x-2)" =x* ~5x* +8x—4.

2
y' =3x>—10x+8. Lic d6: y'=0<3x" —10x+8=0 < 4.
3

V& d6 thi ham sé y = ‘(x—l)(x—2)2‘ bang cach v& dd thi y = x* —5x* +8x—4, giit nguyén phan

dd thi ndm phia trén truc hoanh, roi léy ddi xUing qua truc hoanh phén dd thi ¢ dudi truc hoanh,
sau do xo0a phﬁn dd thi ndm duéi truc hoanh.
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3o dd thi ha A 2| A . A N ¥ .
Dua vao d6 thi him s6 y = ‘(x—l)(x—Z) ‘ & trén, ham s6 nay c6 3 diém cuc tri.

Cach 2:
Bang bién thién:

X —0o0

S'(x) +

@ e T TN

SO diém cuc tri cia ham s6 y = ‘f(x)‘ bang tong so diém cuyc tri cia ham s6 y = f(x) va so

2 +00

nghiém don, nghiém bdi 1é ciia phuong trinh (x) =0.
Ham sé y=x* —5x* +8x—4 ¢ 2 diém cyc tri.
Phuong trinh y = (x—1)(x— 2)2 ¢ hai nghiém nhung chi ¢6 1 nghiém don x=1.
Do d6 sb diém cuec tri cia ham s y :‘(x—l)(x—Z)Z‘ la 2+1=3.
Cau 114. (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) C6 bao nhiéu gi4 tri nguyén duong
ctia tham s6 m dé hamsd y = ‘3x4 —4x° —12x7 + m‘ ¢6 5 diém cuc tri.
A. 16 B. 44 C. 26 D. 27
Loi gidi
Chon C
bit: g(x)=3x"—4x’ —12x> +m

x=2=>y=m-32
Tacd: g'(x)=12x" —-12x* -24x =0 | x=—1= y=m—5
x=0=>y=m
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Cau 115.

€T — oo -1 0 1 + oo

g'(z) - 0 + 0 - 0 +

+ oo m + oo
9(2) \ / /
m-—>5 \m—32

m<0
. . . m<0
Dua vao bang bién thién, ham s6 c6 y = |g(x)| cd 5 diém cyc tri khi | [m-5>0 < .
12 <0 5<m<32
m—32<

Vim la s6 nguyén duong cho nén c6 26 s6 m thoa dé bai

(GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Cho ham sb
V= ‘x“ —2mx* +2m—1|v6i m 1a tham s6 thuc. S6 gid tri nguyén trong khoang [—2;2] cia m dé

ham s6 d3 cho ¢6 3 diém cuec tri 1a
A. 2 B. 4 C.3 D. 1

Loi giai

Chon B

bat f(x)=x4—2mx2+2m—1, f’(x)=4x3—4mx, f’(x)=0<:>[)C

+ Trwong hop 1: ham s6 cOmot cuc trj =>me [—2; 0] .
Db thi ham s6 y = f(x) c6 mot diém cuec tri 1a A(O; 2m —1) .

Do me [—2; O] =y,=2m-1<0 nén dd thi ham s§ y = f(x) cit truc hoanh tai 2 diém phan biét

nén ham s y =‘ f (x)‘ co 3 cuc tri = ¢6 3 gia tri nguyén ctia m thda ycbt.

+ Trudng hep 2: ham s6 c6 ba cuc tri = m e (0; 2].

Khi d6 dd thi ham s6 c6 3 diém cuc tri la A(0;2m-1), B(JE;—m2 +2m—1),
C(~m;—m’ +2m-1).

Do a=1>0 nén ham sb y:‘f(x)‘ c6 3 diém cuec tri khi ham s6 y = f(x) ¢6 y, =y >0

< -m’+2m-120 & m=1.
Néu y, = y. <0 (trong bai toan nay khong xdy ra) thi ham s6 c6 it nhat 5 diém cuc tri.

Vay c6 4 gia tri cua m thoa ycbt.
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Céu 116. (THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) c6 do
thi nhu hinh vé& bén dudi

Tim tat cd céc gié tri cia tham s6 m dé d thi ham sd 4 (x)= ‘fz (x)+2f(x)+ Zm‘ c6 dung 3

diém cyc tri.
A. m>1 B. m>1 C. m<2 D. m>2
Loi gidi
Chon B
$6 cuc tri cia ham s6 /(x) =|f (x)+2f (x)+2m| bing s cuc tri ciia ham s6
y(x)= f(x)+2f(x)+2m cong véi so giao diém (khéc diém cyc tri) cia do thi ham so
y(x)=f2(x)+2f(x)+2m va y=0.

Xétham s6 g(x) = f7(x)+2f(x)+2m
g(x):Zf(x).f'(x)+2f'(x)=2f’(x)[f(x)+1}

Q’(X)—Oclf’(x)()@ izl3

X= a(a < 0)
BBT
X —® a 1 3 +20
g'(X) — 0 + 0 -

0 +
g(X) v \ g /Oo
—1+2m / \21):

Ham s6 h(x) c6 3 diém cyc tri < 2m>0< m> 7 Dap an B 1a gan két qua nhat

Céu 117. (THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) T4p hop cac gia trj ciia m dé ham sd
y= ‘3x4 —4x* —12x*+m —1‘ c6 7 diém cuc tri la:

A. (0;6) B. (6;33) C. (1;33) D. (1;6)

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 78




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Loi giai

Chon D
Xét ham sd f(x) =3x* —4x* —12x* +m—1,
Co lim f(x)=+w0, lim f(x)=+oo
S1(x) =12x" —12x* = 24x =12x(x" - x -2

x=0
f(x)=0|x=-1.

x=2
Béng bién thién:

x —0 -1 0 2 +0
f(x) - 0 + 0 - 0 +

+x

+w m—1
7) \ / \
m-=33
m—=6

Tir bang bién thién, ta c6 ham s6 y = | f (x)| c6 7 diém cyc tri <> d6 thi ham s6 y = f(x) cat Ox

tai 4 diém phan biét @ m—-6<0<m-1<1<m<6.

Dang 9. Tim cue tri ciia ham sb f(u) khi biét bang bién thién, do thi £(x)
Céu 118. (Mai dé 101 - BGD - 2019) Cho ham s y = f(x), bang bién thién cia ham s6 /"'(x) nhu sau:

T —oc -1 0 1 +00

+00 2 +00
F) \_3 / \_1 S/

S6 diém cuc tri ciia ham s6 y = f(x2 — Zx) la

A. 9. B. 3. C.7. D. 5.
Loi giai
Chon C

Taco y'=2(x—1).f"(x* - 2x).
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x=1
. x’—2x=ae(-w;-1)
X =
yV=0s f’(x2—2x)20<:> x*=2x=be(-10)

x=1
x*=2x—a=0,ae(-0;—1) (1)
x2—2x—b=0,be(—l;0) (2).
x2—2x—c=0,ce(0;1) 3)

_x2 —2x-d=0,d e(L;+) (4)

Cau 119.

Phuong trinh (1) v6 nghiém, cac phuong trinh (2),(3),(4) déu c6 hai nghiém phan biét khac 1 va
do b,c,d d6i mot khac nhau nén cac nghiém ctuia phuong trinh (2),(3),(4) cling d6i mot khac

nhau. Do d6 f'(x* —2x)=0 c6 6 nghiém phan biét.
Vay y'=0 c6 7 nghi€ém phan biét, do do s6 diém cuc tri ctia ham sd y=f (x2 - Zx) la7.
(M3 dé 104 - BGD - 2019) Cho ham s f(x) , bang bién thién cua ham sb f'(x) nhu sau:

—Dd

NN

S6 diém cuc tri cia ham s y = 7(4x* +4x) 1a
Yy

00

A.S. B.9. C.7. D.3
Loi giai
Chon C
_ 1
C6 (£ (45" +4x)) =(8x+4) /(42 +4x). (/ (42 +42)) =0 T
f'(4x% +4x)=0
| =s0 — 0 1 .
¥ ; -
f‘l(-'f] a1 az as a4
\_3/ \_1/

Tir bang bién thién trén ta cé f'(4x” +4x)=0<

(1)
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Xét g(x)=4x"+4x, g'(x)=8x+4, g’(x)=0<:>x=—% ta c6 bang bién thién

o l
x| ~3 o
g'(z) = 0 +
=D 00
—1

Két hop bang bién thién cta g(x) va hé (1) ta thay:

Phuong trinh 4x” +4x=a, € (—00;—1) vO nghiém.

Phuong trinh 4x° +4x=a, € (—1; 0) tim dugc hai nghiém phan biét khac —% .

Phuong trinh 4x° +4x=a, € (0; 1) tim dugc thém hai nghiém mai phan biét khac —% .
Phuong trinh 4x” +4x=a, € (1; +00) tim dugc thém hai nghiém phan biét khac —% .

Vay ham sé y = f(4x2 + 4x) cd tat ca 7 diém cuc tri.

Cau 120. (M3 102 - BGD - 2019) Cho ham s /() , bang bién thién cua ham sd /() nhu sau

0 1

-00 —I +00
400 2 +o0
f&x) / \
3 -1

S6 diém cyc trj ciia ham s6 y = f(x* +2x) 1a

X

A.9. B. 5. C.7. D. 3.
Loi giai
Chon C
[2x+2=0

X +2x=a,a<-1
Taco y'=(2x+2) f'(x* +2x) =0 | x* +2x=b,~1<b <0
X’ +2x=c,0<c<1
_x2+2x:d,d>l
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g

Dua vao dd thi ta duoc y'=0 c6 7 nghiém don nén nd c6 7 cuc tri

Céau 121. (Mi 103 - BGD - 2019) Cho ham s6 f(x), bang bién thién ctia ham s6 f(x) nhu sau:

+o0

f'(x)

—o0 -1 0 1
+o0 / 2 \‘ +oo
-3 -1

SO cuc tri cua ham so

y= f(4x2 —4x) la

A. 3. B.9. C.5. D. 7.
Loi gii
Chon D
Tir bang bién thién
T | -®m g -1 b 0 c 1 d +wx
Tw 2 + a0
f'(z)

Ta thiy f'(x)=0<

V6i y = f(4x* - 4x),

-3

[x=a € (—o0;-1)
x=be(-10)
x:ce(O;l)

| x:de(l;+oo)

taco y' =(8x—4) f'(4x" - 4x)

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong

82



CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG

DT:0946798489

1
x=—
2
S d=0 4x* —4x=a e(—o0;-1) (1)
V=0 f,(4x2_4x)20@ 4x’ —4x=be(-1;0) (2)
4x* —4x=c e(O;l) (3)
4x* —4x =d e(1;+x) (4)

Xétham so g(x)=4x—4x,taco g'(x)=8x-4=0< x:%
Bang bién thién

T |-oc

[T N

g'(x) -

+ oo o
g(x) \ /
-1

Tir bang bién thién cia g(x) ta co:

@< (_Oo;_l)nén (1) v6 nghiém.

(Vi
['Vi be(-1;0) nén (2) c6 2 nghiém phén biét.
Vi ¢€(0;1) nén (3) ¢6 2 nghiém phan biét.
C'Vi d €(1;+o)nén (4)c6 2 nghiém phan biét.
Vay ham s y = f(4x* —4x) c6 7 diém cyc trj
Cach khac:
Taco: y' =(8x-4).f"(4x* —4x).

8x—4=0

LA R A

+ 8x—4=0c>x=%.

[4x> —4x :a(a <—1) (1)
4x’ —4x=b(-1<b<0)(2)
4x’ —4x=c(0<c<1)(3)

| 4x’—4x=d(d>1)(4)

+ (47 -4x) =0

+ Phuong trinh 4x° —4x=m < 4x* —4x—m =0 c6 nghiém khi A'=4—-4m>0 hay m<1.
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Tur d6, ta c6 phuong trinh (1) ; (2); (3) ludn c6 hai nghiém phan biét.

Phuong trinh (4) vO nghiém.
Do d6, ham s6 da cho ¢6 7 cuc tri.

Ciu 122. Cho ham s6 y = f(x) x4c dinh trén R va c6 d6 thi ham s6 y = f'(x) 1a dudng cong & hinh V&,
Hoi hamsb y= f (x) c6 bao nhiéu diém cuc tri?

Ay

AN

a p O ¢ X
A. 2. B. 3. C. 4. D. 1.
Loi gidi
x=a
T&déthihémséy:f’(x) tacd f'(x)=0<|x=b.
x=c
X —00 a b e +o0
7'(x) -0 + 0 + 0 9+

Tir bang bién thién ta thdy ham sb da cho c¢6 1 diém cuyc tri.

Céu 123. (SO GD&PT BINH PHUOC NAM 2018-2019 LAN 01) Cho ham s6 y=f(x) c6 do thi
y = f'(x) nhu hinh v& sau
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Do thi ham sé g (x)= ‘2f(x) — xz‘ c6 tdi da bao nhiéu diém cuc trj?

A. 7 B. 5 C.6 D. 3

Loi giai

Chon A

Xét ham sb h(x)=2f(x)—x2 :>h'(x)=2f'(x)—2x
Tir d6 thi ta thay h(x)=0s f'(x)=xx=-2vx=2vx=4
4

j;(2f’(x) —2x ) > [(2x = 2f"(x) Jdx > 0

2

& h(x)[, > -h(x), & h(2)-h(-2)>—(h(4) - h(2)) & h(4) > h(-2)

Bang bién thién

4

2

| ]

X -

h'(x) 0 0

hx) \/ | 7"~
<<t

Vay g(x)= ‘Zf(x)—xz‘ 6 toi da 7 cuc tri

h(-2)

Céu 124. (TOAN HQC TUOI TRE NAM 2018 - 2019 LAN 01) Cho ham s6 f(x) x4c dinh trén R va c6
dd thi f/(x)nhu hinh v& bén. Pt g(x) = f(x)—x. Ham sb dat cuc dai tai diém thudc khoang nao

dudi day?

85
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3. . 1
A [5,3] B. (—2;0) C. (0;1) D [2,2]
Loi giai
X =
Ta co g'(x):f’(x)—l;g'(x)zO(:)f'(x):l(:) x=-—1
x=2

Bang xét dau cia g'(x) :

X | -00 -1 1 2 +00
gx)) 4+ 0 - 0 - 0 +

Tir bang xét ddu nhéan thay g(x) datcucdaitai x=—1¢€ (—2;0) .

Cau 125. (TRUONG THPT HOANG HOA THAM HUNG YEN NAM 2018-2019) Cho ham s
y = f'(x—1) c6 dd thi nhu hinh v&.

| &

Ham sé y=7"" (=% dat cuc tiéu tai didm nao?
A. x=1. B. x=0. C.x=2. D. x=-1.
Loi giai:

Tacd: y'=[2/'(x)-4]7""" “Inx.
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y'=02f"(x)-4=0= f'(x)=2.

Db thi ham s6 y = /"(x) nhan dugc tir viéc tinh tién d6 thi ham s6 y = f"(x—1)sang trai 1 don

vi

y=f'(x-1)

x=-2
nén f'(x)=2<|x=0 .

x=1

Do x=-2 va x =1 la nghiém bdi chan nén ta c6 bang bicn thién sau:

X —00

-2 0 1 +00

!

0 - 0 + 0

y +OO\ /

+
+00

Tur bang bién thién ta c6 ham sb dat cuc tidu tai x=0.

Ciu 126. (TRUONG THPT HOANG HOA THAM HUNG YEN NAM 2018-2019) Cho ham s
y=f(x) c6 dao ham trén R va c6 dd thi 1a duong cong nhu hinh v&. Dt g(x)= 3f(f(x)) +4.

Tim s0 diém cuc tri cia ham so g(x)?

A. 2.

Ay

B. 8. C. 10. D. 6.

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong

87



CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Cau 127.

Loi giai
(x)=3/"(f (x))-S"(x)
0| o
<31 f(x)).f(x)=0<= ’fx=0<:> S(x)=a <a<
§()=0=37 (1) (=0T el [T (<)

/(x)=0 c6 3 nghiém don phan biét x,, x,, x, khac 0 va a.

Vi 2<a <3 nén f(x)=a c6 3 nghiém don phan biét x,, x;, x; khic x,, x,, x5, 0, a.

Suyra g'(x)=0 c6 8 nghiém don phan biét. Do d6 ham s6 g(x)= 3f(f(x)) +4¢o 8 diém cuc
tri.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham sé y=f(x) xac
dinh va lién tuc trén R, dd thi cia ham sd y=f '(x) nhu hinh v&. Piém cuc dai cua ham sb

g(x):f(x)—x la

A. x=0. B. x=1.
C.x=2. D. khong c6 diém cuc dai.

Loi giai
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Taco: g'(x)=/"(x)-1

x=0
g(x)=0cf'(x)-1=0 f'(x)=1 &|x=1.
x=2
Béng bién thién:
b 4 —0 0 1 2 +00
g'(x) + 0 + 0 - 0 +

@ | | L 1

Vay ham sé g(x) dat cuc dai tai x=1.

Céu 128. Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va c6 do thi ham sé y = f'(x) nhu hinh v&. Dit

g(x)= f(‘x3‘) . Tim s6 diém cuc tri ciia ham s6 y =g (x).

Ay
i

Loi gidi
Chon A

Bath(x)= 1 (x') = h(Jxl)=£(}x).

K (x)=3x"f(x)

H(x)=0cxe {0;3/5;%/3;%/?}

Bang bién thién:
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z | = i/a 0 if@ e +oc

B £ 0 - 0 -0- 0 +
w1 x\ / (0\ P -

Vay ham $6 y= g(x) 6 ba diém cuc trj.

Cau 129. (THPT LE VAN THINH BAC NINH NAM 2018-2019) Cho ham sé y = f(x) xéc dinh trén R
vahamsd y= f'(x) co dd thi nhu hinh v&. Tim s6 diém cuc trj ctia ham sé y = f(x2 — 3) )

yA

2 l &
0 &
A. 4 B. 2 C.5 D. 3
Loi gidi
Chon D
Quan sat d6 thi ta co y = f’(a:) d6i dau tir Am sang duong qua z = —2 nén ham s y = f(a:) co
mot diém cuc trila x=—2.
x=0 x=0

/
Ta co y’:[f(x2 —3)} =20 f/(x =3) =0 |’ —3=—2&|r=*1.
x> —3=1 x=%2
Ma x =42 la nghiép kép, con cac nghiém con lai 1a nghiém don nén ham sé y = £ (x2 — 3) c6 ba
cuc tri.
Ciu 130. (CHUYEN LE QUY PON QUANG TRI NAM 2018-2019 LAN 01) Cho ham sé f'(x) c6 dao
ham 1a f'(x). Do thi cia ham s& = f'(x) nhu hinh v& bén. Tinh s6 diém cyc tri ciia ham s6

% =f(x2) trén khoang (-JE,JE)
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Cau 131.

y

y=["(x)

A. 2. B. 4. C. 3.
Loi gidi
Xét ham s g(x):f(xz):>g'(x):fo'(xz).

x=0 x=0
g(x)=0= f’(xz):O S xizoc{x:iﬁ'
x =2
Ta c6 bang xét du:
x -5 -2 0 2 J5
g'(x) — 0 + 0 - 0

Tir d6 suy ra ham s6 y = f(x2 ) c6 3 diém cyec tri.

(THPT MINH CHAU HUNG YEN NAM 2018 - 2019) Cho ham s y =f(x) c6 dao ham lién

tuc trén R va d6 thi ham s y=f '(x) nhu hinh vé bén.
86 diém cyc trj cia ham s6 y =f(x—2017)—-2018x +2019 la.
A.3 B. 4 C.1

Loi gidi

Chon C

Ta co: [£(x—2017)-2018x+2019] =0 < f'(x~2017)-2018 =0 < f'(x ~2017) = 2018
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f'(x—2017)=2018

Dua vao d6 thi ham s y=f '(X) suy ra phuong trinh - ¢c6 1 nghiém don duy

nhat. Suy raham s6 y = f(x—2017)—2018x+2019 ¢6 1 diém cuyc tri.

Cau 132. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 01) Cho ham s6 y = f(x). Ham s6

y = f'(x) c6 dd thi nhu hinh vé& duéi day.

Ay
£
o1\ 2 3
Tim m dé hamsd y = f(x* +m) c6 3 diém cuc tri.
A. me(3;40). B. me[0;3]. C. me[0;3). D. m € (—0;0).

Loi giai
Chon C

Do ham s6 y = f(x* +m) 1a ham chin nén ham s6 ¢6 3 cuc tri khi va chi khi ham s6 nay c6

dung 1 diém cuc tri duong.

y:f(x2+m):>y':2xf'(x2+m)

(x=0 [x=0
V=0 x=0 - x2+m=0<:> X’ =-m
f'(x2+m):0 X+m=1 x*=1-m
_x2+m=3 _x2=3—m

Do thi hamsd y = f '(x) tiép xuc truc hoanh tai diém c6 hoanh d6 13 x =1 nén cac nghiém cta

pt x> =1—m (néu co) khong lam f ’(x2 + m) d6i ddu khi x di qua, do d6 cac diém cuc tri cua

x=0

ham sé y = f(x* +m) la cac diém nghiém cua hé | x* = —m
x’=3-m

He trén c6 duy nhéat nghiém duong khi va chi khi {; B 0 &S 0<m<3.
-—m>
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