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LUYEN TAP 25 DE THEN CHOT DE DAT PIEM CAQ

* Bam sat dé thi dai hoc 2016, cau triic ra d@ cta B Gido Duc Dao Tao
# Dé dang ontap théng qua il gidi chi tiét dugc nhan xét va binh fuan.

#* Nang cao tu duy véi nhiéu cong th tic, meo thuc tién théng qua li gidi chi tiét,

NHA XUAT BAN PAI HQC QUOC GIA HA NOI
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THAY LO1 NOI DAY
MEGABOOK MUON CAC EM HIEU BUQC GIA TRI CUA VIEC TU HQC

TU HQC PANH THUC TIEM NANG TRONG BAN

Chao cic em hoc sinh than mén.

Megabook ra doi bo sdch nhiing bé sach ¢6 tinh ty hoc, ty 6n tép cao, nham myc dich givip céc
em nang cao kha ning ty hoc va déc biét phat trién fu duy cia minh vé mén hoc do.

Megabook higu dige viéc phdt trién tu duy, tri tué con ngudi dé tao nén sy thanh ¢éng nhu Bill
Gates, Steve Job hay Mark Zuckerberg... 1a nhe 80% dua vao viéc tif hoc, tu nghién ciiu dénsay mé cht:
khong phai 1a ngbi trén ghé nha trudng, nghe giao huén.

Viéc ty hoc khéng hin thong qua sach v, ma théng qua sy quan sdi cugc séng xung quanh, qua
mternet hay don gian 1a hgc hoi kinh nghiém ctia ngudi di trude.

Viéc ty hoc s gitlp cdc em phat huy tiém nang cha bin théin, nhan thdy nhiing khi nang, s¢
truong cta chinh minh con dang 4n gidu d4u do trong tiém thic ma cic em chua nhén ra.

Viéc tg hoc gitip cdc em ting kha ning tu duy, xit Iy cdc van dé nhanh nhay, thich nghi va dap ing
tot hon véi s thay déi clia méi trudng va xd hoi.

Viéc tu hoc xiy dung ban ning sinh t6n, phan xa t6t hon cho méi con nguidi,

Sinh ra & trén doi mdi dda tré da biét ty hoc hatl nhu viée quan sat, nhin moi vat xung quanh,
nghe nhiéu va roi bigt néi. Viée tu hoc that ra rat tu nhién, dén tridng 13 mét phuong phap giap
kich thich sy ty hoc. Va thiy c6 chi c6 thé huéng dan va tao cidm hiing chii khéng thé day chiing ta
moi thd. '

Tom lai viéc i hoc sé gitp moi ngudi dot pha trong su nghiép va cudc séng. Mét ki su biét ty hoc
sé dot pha cho nhitng cong trinh vi dai, mot bic s§ say mé nghién ctiu sé dot pha trd thanh bac sy tai
néng ctiu chita bao nhiéu ngudi, mot gido vién tu néng cao chuyén mon mai ngay sé bién nhiing gio
hoc nham chdn thanh day cam hiing va thii vi. B&i vy viéc tf hoc sé gitip bat ky ai thanh cong hon va
hanh phiic hon trong cudc séng.
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Biét ty hoc => Nang cao khé nang tu duy, xit by vin dé nhanh

Biét ty hoc => Ting kha nang thich nghi, phan xa nhanh véi méi trudng

Biét ty hoc => Tao ra nhiing thién tai giup dit nudc va nhén loai

Biét ty hoc => Gitip mdi nguoi thanh cong trong cudc song, dot phd trong sy nghiép

Biét ty hoc => Tao x4 hoi v6i nhitng cong dén vu t.

BE SUDUNG CUGN SACH NAY HIEU QUA NHAT

Budic 1: Lap k& hoach thoi gian Jam dé. Méi tudn khodng 2 dé1a hop Iy em nhé. (it nhung ma chit)

Budc 2: Bim thei gian 1am dé, lam thét cdn thén, chic chin, chinh x4c khéng can nhanh.

Bu6c 3: Xem d4p an, doc 16i gidi cin than. Trong 1¢i gidi ¢ nhic lai kién thie, cdu tric, ti ving
vi thé cdc em c6 thé om tap lai dugc ludn.

Budc 4: Luu lai hanh trinh luyén thi Thanh Céng & sau mdi d&, tiic 1 ghi lai minh dugc bao nhiéu
diém, sai cAu ndo, kién thiic cdn nhd trong tam.

BuGc 5: Sau khi im dé tu tin hiy thudng xuyén thi thit trén trang Vtest.vn d€ rén juyén ky néng
tu duy, lam bai that nhanh nhé. '

GIO HAY BAT DAU LUYEN DE NHE CAC EM!

LET'S G
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DESO 1 BO DE THI THPT QUOC GIA CHUAN CAU TRUC BO GIAO DU
Dé thigdbm 1 trang | - Mén:Todn hoc
* ok ok Théi gian lam bai: 180 phut, khéng ké thai gian phat dé
Cau 1 (1,0 diém). Khio sét sy bién thién v vé d6 thi (C) ciia ham s6 y = > ‘21
X+

2x* +3x+3

Cau 2 (1,0 didm). Tim GTLN, GTNN chaham s§ y = 1
_ x+

trén doan [1;2].
Cau 3 (1,0 diém). |

a) Tim tét ci cdc 6 phiic z thoéa man diéu kién

z ;3_1 14 s6 thudn 4o va ]z‘ =5
i
b) Giai phuong trinh log, (x2 —3) ~log,(6x-10)+1=0

1
Cau 4 (1,0 di€m). Tinb tich phan T= j%
X+

i

Cau 5 (1,0 diém). Trong khong gian vdi hé truc toa d6 Oxyz cho hai dudng thang

x=T7T+3 . , s
d:qy=2+2t va A D A .
2 -3 4
z=1-2t . -

Chting minh ring hai dudng thing d va A déng phing, viét phuong trinh mét phing (P) chifa

ca hai dudng thang do.

 Cau 61,0 diém).

a) Giai phuong trinh higng gidc cos2 [vz— - xj +~/3cos 2x = 2cos x =3

b) Trong m6t 16p hoc ¢6 20 hoc sinh nam va 10 hoc sinh ni. Nha trudng cin chon 4 hoc sinh
tit 16p nay d€ thanh lap t5 cong tac tinh nguyén. Tinh x4c sudt d€ 4 hoc sinh dugc chon ¢6 ¢ nam,
nit va 86 nam khéng nhiéu hon s6 nd.

Cau 7 (1,0 diém). Cho hinh chdp S.ABCD ¢6 day ABCD 12 hinh vuc:mg canh la a. Hai mat bén (SAB),
(SAD) cung vudng goc véi mit ddy (ABCD). Géc gitia duong thing SC va mét day (ABCD)
bing 45°. Tinh thé tich khéi chép S.ABCD va khoang cich giffa hai dudng thing BD va SC
theo a. -

Cau 8 (1,0 diém). Trong mit phéng toa d6 Oxy cho tam gidc ABC c6 phan giac tropg va trung
tuyén ké tli dinh B l4n lugt la d,:x+y—-2=0, d, : 4x+5y— 9 0 Piém M| 2; ;j thudc
canh AB vi dudng trén ngoai tiép tam gidc ABC ¢ bén kinh R = E Tim toa do cac
tam gidc ABC.

inh cia

(r+rOWx+2+3/x+2 =3 +3y" +5y+3

X425 +x=7y 14y +19 =339y + 1)

Cau 10(1,0 diém). V&i cic s6 thuc duong a, b théa mén a’ +b* =ab+1. Tim gid tri 1én nhit cha biéu
g g

thiic P =7 — 3b+“ "2, b2

b+1

Cau 91,0 diém). Gidi hé phudng trinh {
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LO1 GIAI CHITIET VA ON TAP

M >+ 1xD: D=R\{-2)
_ * Sy bién thién
+ Gidi han va tiém cin

lim y=lim y=3=> y=3 la ti¢m c4n ngang cla do thj ham s3
e E ]

I—r+oo
lim y=—00; lim y =-+o0=> x =2 latiém c4n ding ctia d6 thi ham s
x-p-2" 2 : i

+ Chiéu bién thién

yl = __Z_f >0,%YxelD)
(x+2) _
Ham s déng bién trén médi khoang (—0;—2) vi (=2;+x)

+ Bang bién thién

X -0 -2 . +0
y' + +
+oo 3 .
¥
3 —00

* D6 thi | |
+ Giao véi Ox, Oy: [5 ; 0); [D;_E]
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+ Nhén xét: D& thi ham s6 nhan diém I(-2;3) lam tam d6i xing

Nhin xét:

Day 1a bai todn co ban vé khao sat va vé do thi ham s6 phan thiic hitu ti. Cac em can thuc hién
day du cac budc saw:

- Budc 1: Tap %dc dinh clia ham sd.

- Bu'de 2: Sy bién thién.

- Giéi han va tiém cén

- Chiéu bién thién

- Bang bién thién

- Birée 3: D6 thi ciia ham s6.

e :.. + Ta clj:
(4x+3)(x+1)_(2x2 +3x+3) 2
(x+ 1)2 . !
=0 (L)
x=-2 (L)

y'=

y'=0&2x" +4x =0

. y(l):4,y(2)=§

17
+ Suy ra: r.r?m]y 4khix=1, m[ax]y=~—é— khix=2,
Nhan xét:
© Vi bad todn tim min, max cia ham s6 f{x) trén doan [a; b] cac em can thiyc hién cac budc sau:

- Butge 1: Tinh dao ham £'(x) va giai phuong trinh £(x) = 0 tim cac nghiém x, € (¢,6) hodc
x; € (4,b) ma tai d6 hdm s6 khong ¢6 dao ham '

- Budc 2: Tinh céc gid tri f(a), £(b), f(x;) { Hoic lap Bang bién thién clia ham s6 f(x) trén
doan [a;h])

- Bude 3: So sénh f(a), f(b), f(x;) va chira min, max

+Gid st Z=x+Yi, (x,y€R)

2—3:'_x+(y—3)z'_[x+(y—3)i][x—(y+1)£]_x2+y2—2y_3_ 4x ;
z+i  x+{y+1) Oy SHy+1) (1)

Ta co

+ Tt gia thiét ta ¢6 hé phuong trinh

x=2
’+37-2y-3=0 =1
X Ty ¥ - Y
x4+’ =5 x=-2

y=1

x°+(y+1)7°

iyt =5

2 Z _
x“+y =2y 3=0 {
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+ S0 phtic can im | z = 2+, 7= -2+

Nhan xét:

Day 14 bai tdp tuong ddi co b%l_] chia s6 phic, vdi bai todn nay céc em cén thin trong trong viéc
Z p—

I . I e b rs i 4 1 -4 L b
- tranh sai sot trong qué trinh tinh todn. Nhé ring 6 thudn do
Z+i

thyic hién phép chia s6 phiic
la s& cé phéan thuyc bang 0
Véi dang bai toan téng quat: “Tim sé phifc z thoa méin mét hodc mot hé diéu ki¢n nao dé”
ta thudng thyc hién cac budc saw:
- Buidic 1: Goi s6 phtic z & dang dai 6 z=x+¥i, (x,y € R}
- Buée 2: T diéu kién gid thiét da cho thiét lap hé phuong trinh hai dn x, y
- Budc 3: Gidi hé phuong trinh da thiét 1ap & budc 2 tit d6 suy ra céc s6 phiic tudng ing.
% 3.b

RS R L PN -
6x—10>0

+ Phuong trinh tuong duong log, [xz — 3) +1=log, (6x—10)
& log, 2(x* -3} =log, (6x-10) & 2(x” ~3) = 6x-10

) x=1 (Loai}
X -Ix+2=0&
x =2 (Thoa min)
+ KL: Vay phuong trinh ¢6 nghiém duy nhét x = 2.
Nhén xét:

Day la bai todn dua vé cing co s6 14 2 khi d6 cic em dé dang dua phuong trinh ban déu vé

. : phucng trinh
=1 {Loai
2(x2—3):tSX—10<:>x2—3x+220<:> * ( 0?1) .
x =2 (Thoéa méin)
o Jog, f(x) xdcdinhkhi g g2

o log, f(x)=log, g(x) = f(x)=g(x) (v6i /(x),g(x) xéc dinh)

o log b+log,c=log, bc log b-log, c=log, [éJ
e

| i )
S Pty LA
cx+D) ¢ (xtD)
§ 1
dx ~1 1
X'tT = e B
TS ;[(erl)2 x+1f, 2
¢ In(x+ 2)dx
aw | = B
+ Xét by _[ (x+1)2
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w=ln(x+2) |dy=_%
X+2
Bt g = dx2:> -1
1 =—
x+h) y x+1
1 1 1
_ 1.4 3. 4
=1,= hl(“z)’ + x L. J‘[ ] do=tmd ) 22
x+1 u 0(J:+2)(:c+1) 2 3 o X+ Cx+2 2 3 x+2|, 3
Nhin xét:

V6i bai todn trén cac em c6 thé dé dang nghi t6i viéc tach tich phan ban diu thanh hai tich
phén trong dé tich phan thi nhat ta st dyung tryc tiép cong thiic nguyén ham va tich phin con lai
ta st dung cong thiic tich phan titng phén.

Céc em ¢in nhé duge ddu hiéu nhén biét tich phan tinh bang c6ng thiic tich phén ting phéin
gom cac loai saw:

u = p{x)

dv = ™ dx

v Tichphandang | p(x)sin(ar-+b)dx tadzt | 7o)
| | T dv=sin(ax +h)dx
tuong ty )

v Tich phan dang | P()€""dx 1a dat {

(Dang J p(x).cos{ax + b)dx

v Tich phan dang |e™*".sin(ex +d)dx ta dit u va dv 12 mot trong hai biéu thiic irén véi
p g 8

Gxih

~ dang todn nay ta phai thuc hién dat tiing phan 2 lan lién tiép (Dang je .cos{cx+ d )dx tuong ty

=In"(ax+b .
u=ln'(ax+by ( §6 lan tiing phén bangn )

v Tich phan dang [ p(x).In" (ax+b)dx ta dit
dv = p(x)dx

Luu ¥: Vi mét s6 bai todn phiic tap hon ta ¢d thé phai thuc hién mot hodic mét s6 phép doi
bién s6 r6i mai dua vé duge cic dang dd néu & trén.

+ Pudng thing d di qua diém M(7;2;1) va c6 VICP ¥, = (3;2:-2)
Dudmg thing A di qua diém N(1;-2;5) va ¢6 VTCP 1, = (2;-3;4)
+ MN =(~6;-4;4)

s

+ [E@]M_'N =2.(-0)+(-16).(-4)+(-13}4 =0 = dva A la hai dudng thfmg dbng phing.

2 3P 2
4 2’2 -3

U = (2;-16;-13)

Hon thé nia [“1 Uy ] #0 néndva A cit nhau.

+ Mit phing (P) di qua diéfm M va nhan [a,a]z(Z;—ltﬁ;—lB) lam VTPT nén (P) co
phuong trinh

2x—~7)-16(y—2)-13(z—-H) =0 2x-16y—-13z+31=0
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Nhén xét:

Véi bai toan nay cdc em cin ndm dugc kién thiic vi tri tuong d6i clia hai dudng thing trong
khéng gian. Trong khong glan Oxyz cho dudng thang d di qua M va c6 VTCP u, dudng thing d’
di qua M’ va 6 VTCP u'. Khi do:

o {;’ y' khéng cung phuong [a, ;'J =0
+dcitd =< 7 =
u, u' va MM' ddng phing [1}, ;’*J MM=0

+dtrungd < u, u' va MM' doi mét ciing phuong < [; } [z:, MM‘] =0

; u, 1’ ciing phuong [”= ”l] =0
+dsongsongd << '~ =
{u MM’ khéng cling phidng [;}’ W*] +0

+d va d chéo nhau < u, u' va MM' khong déng phing < [u u ] MM'= 0

v dva d déng phing khi va chi khi [#. 4| MM'=0
v Mt phing (P) chia hai dudng thing cit nhau d va d’ nhan [‘;, 17'} lam véc to phép tuyén

+ Phuiong trinh twong duong sin 2x + J3cos2x =2c0s x—/3
< (sin2x—2cosx)+ (ﬁ8052x+\/§) =0
&> 2cosx(sinx—1) + 243 cos? x =0

= Zcosx(sinx+\/§cosx—1) =0

[cosx=0
<:’ 3
| sinx++/3cosx=1
x=Llkr
2
<
qm[JH—E): :
3) 2
x=£+k72’ x=£+k7z
2 2
e|xv P22 vkor o= ikon
3 4 12
x+£:3—z+k2?r x=5—E+k2;ﬂ:
3 4 L 12

Nhién xét:
Déy la dang todn co ban ma ching ta gép rét nhiéu trong de thi DH mét s6 nim trude day.
Vdi phiiong trinh dang tong quét: asinx+bcosx+csin2x+d cos2x+e =0 thi ta thidng sit
dung phép nhém d€ dua phuong trinh vé phuong trinh tich. Cu thé:

- Nhém sin2x véi sinx va phén con lai sé bién d8i vé biéu thiic béc hai déi véi cosx
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- Hodc nh6m sin2x vdi cosx va phén con lai sé bién ddi vé bi€u thiic bac hai déi vdi sinx

(Théong thudng lugng nhiéu bai tip ta sé nhom sin2x v6i sinx hodc cosx sao cho sau khi dat
nhén t chung cia phép nhém phén con lai ¢6 nghiém chin. Ching han véi PT : sin2x + mcos2x
+ sinx + 3cosx + n = 0 ta s& nhdm sin2x véi sinx d€ dugc sinx(2cosx + 1) va biéu thiic 2cosx + 1
c6 nghiém chan )

Luuy:

_ V@i PT: asinx+bcosx+esin2x+dcos2x+esin3x+ f =0 t3 s& nhém sin2x vGi cosx

- VGiPT: asinx+bcosx+esin2x+dcos2x+ecos3x+ f =0 tasé nhém sin2x vdi sinx

6.b

+ Goi A la bién ¢ “chon dugc 4 hoc sinh ¢ ¢d nam, nii va s& nam khéng nhiéu hon s6 nit”

+ Chon 4 hoc sinh bét ki i1 30 hoc sinh ciia 16p cé C, céch chon = | = €5,

+ Dé chon duge 4 hoc sinh ¢6 ¢& nam, nii va s& nam khéng nhiéu hon s6 ni thi c6 cac kha
ning sau

- TH1: Chon dugc 2 nam va 2 nit = ¢ Cay-Cry cich chon

- TH2: Chon dugc 1 nam va 3 nit=> ¢é Cy.Cly cach chon

Vay s6 cdch chon dugc 4 hec sinh ¢6 ¢a nam, nit va s& nam khong nhiéu hon 6 nii 1a
2 2 Eod
‘QA‘ - Czo'cm + Czo'Clo

‘Q‘A! - szt}'c;zn + Cén-cﬁn
2 Clo

+ X4c sult ¢in tinh 1a P(A) = =104

Nhan xét:

Bai todn tinh xdc sudt 1a mot loai toan luén xudt hién trong dé€ thi Dai hoc cac ndm gin day va
déu 1a nhiing bai todn van dung dugc cong thiic cha dinh nghia xac suat ¢6 dién. Cé thé ndi toan
xac suft [a moét loai todn khong khé, d€ Jam t6t dugce loai todn nay cac em cin:

- Niam dugc céc budc gidi va cin xéc dinh chinh xdc dudc phép thi T dé€ ti do tinh s6 phin
til ctia khéng gian mau va s6 phan t thuin 1gi cho bién ¢6 chinh xac.

- Bac biét cac em phéi phén biét dugc cdc quy tic cong, nhin trong gud trinh tinh IQI va ‘QA‘

V6i bai todn “tinh xdc sudt cdta mt bién cd nao do “ta thudng thuc hién cac budce nhu sau:

- Budce 1: Pt bién ¢b cdn tinh Xac sudit

- Bu6c 2: Tinh [©] va

- Budc 3: Van dyng céng thitc dinh nghia c¢6 dién cha xac suét d€ suy ra P(A).

Q,| (D&1am 16 budc nay cac em cin ndm chéc kién thiic dai s6 t8 hop)
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Cich 1: + Hai mit phiing (SAB) va (SAD) cling vudng géc v6i mét phiang déy (ABCD;
SA vudng goc vdi mdt ddy (ABCD).

+ Géc giita SC va mit ddy (ABCD) bing 45° nén SCA = 45°

— tam gidc SAC vudng cin tai A.

+ Ve o :%SA.SABCD :%a 2.4 =%a3 2 (dvtt)

BD L AC
+ = BD L (ABCD} 1ai O

BD L SA
Ké OH vuéng goc v6i SC tai H = OH L SC
Vay OH la doan vudng géc chung cta hai dudng thang BD
v SC = d(BD,SC) = OH
+ Do hai tam gidc vudng SAC va OHC ddng dang

a2
a\E.T

nén ta co SA=@j0H=SA'OC: -4
SC 0QC SC 2a 2

Viy d(BD,SC) =i§- (dvdd)

Cich 2:
+ Chon heé truc toa dd Oxyz ¢6 A triing géc toa do O, B thudc chiéu duong tryc Ox, D thude
- chidu dutong truc Oy va S thude chidu duong truc Oz, Khi d6 tii gia thiét suy ra:
A0:0;0), B(a0:0), D(0;;0), Cla;a;0), S(0;0;a4/2)
. [B5.5¢ ] 56
+ Vs asep =7 84S 1y dBD,SC) = = ———
: ]
Nhan xét:

D& giai t6t vé& dang todn hinh hoc khong gian nay cac em cdn nam chéc kién thic 16p 11. Véi

(SAB) LIABCD) o\ | (aBCD)
(SAD) L (ABCD) )

- Chi ra géc gitta duong thing SC va mét phing (ABCD) 12 géc giita SC va hinh chidu AC cha
né lén mit phing (ABCD)=> SCA = 45°. Tt d6 tinh V chép

- V6i bai toan tinh khodng céch gitia hai dudng thang BD va SC chéo nhau ¢6 nhiéu cach tam.
Tuy nhién véi bai todn nay ta nhan théy cé diéu dac biét 12 BD va SC vudng goc v6i nhau nén ta cé
thé d& dang dung dugc doan vudng géc chung clia hai duding thing d6. Tit d6 tinh duge khoang
cdch gitia chling, cy thé:

bai todn nay cic em cin:
- Chi ra dugc dutng cao cta hinh chép {

+ Chon mét mat phing (SAC) chita dudng thing SC va vudng goc véi dudng thing BD tai O

+ Trong mit (SAC) vira chon dung duéng OH vudng géc vdi SC. Khi d6 OH la doan vuong
goc chung ctia hai dudng thng chéo nhau BD v SC. Tt d6 khing dinh OH la khodng cach giita
SC va BD.
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Luu y: Phuong phap dyng doan vudng goc chung ciia hai duong thing chéo nhau a, b
vudng goc b

a H
K

- Buéc 1: Chon mét mit phing (P) chita a va vubdng goc véib tai H

- Budc 2: Trong (P) dung duding thing HK vuong goc véi a { K thudc a)
- Butéc 3: Khing dinh HK 12 doan vudng goc chung ciia hai duding thinga va b,

B
N
M
d1
d2
A, I—-Y C
D1
Toa d6 B 14 nghiém cita hé pi w520 L
+ 'lpa @9 B la nghiem cua ne phuong trin Ax+5y-9=0 y=1 :
+ Goi N 1a diém d6i xing véi d, , H 14 giao diém clia MN vA d, = N thudc canh BCviH1a
trung diém MN o
MN di qua M va vuéng goc v6i @) nén MN :2x—2y-3=0
30 nghiem he phuongtriah 220 el Aom(2) :N[i-o)
Toa d¢ H la nghiem hé phudng trin 2x—2y-3=0 1 R 3
4

| . - 1
+ Canh AB di qua B(1;1) vanhén MB = [—1;%] lam VTCP nén VTPT #48 = (5;1}
ﬂAB:%(xﬁl)M.(y—l):O@AB:x+2y—3:0

— - i
Canh BC di qua B(l;1) vanhin NB = (——;; l] larmn VTCP nén VTPT nac = {I;E]
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:>BC:I(x—1)+r;:.(y~1):0«::>BC:2x+y—3=0

\2+2\ 4 3 3
+ Tacgcos(AB,BC) =———7x=— :> sin{AB,BC) = 75- = sin ABC = 3

V545

Theo dinh 1 sin trong tam gidc ABC ta c6 ——=— =2R < AC =3 AC* =9

sin ABC
3-
5 ]EAB C(e¢;3-2c)e BC, IlatrungdlemcuaAC::’I(

a+c Qg — 4c}

+ Goi A[a_ 3 4

g4 _
I thuée @, nén ta cb 2(a+c)+5(9—a4~—£}—9=0<:>3a—12c+9:0 (0

) 2 {a—4e+3Y
AC* =9 (c—~a) + 5 =9(2)
a=5e¢c=2
i : =
+Tu (1) va(2) 4=-3c=0
Do A, C d€u nim vé hai phia clia hai dudng thang d,, d, nén A(55-1), C(25-1).
Nhin xét:
Vi bii todn nay cac em cén thuc hién dugc cac budc sau:

+ Trudc hét d€ khai thac gid thiét phuong trinh dudng phén giac trong dl goc B ta lay N déi
xting véi M qua d, . Tl d6 khing dinh N thudc canh BC va tim dugc toa d6 diém N

+ Tim toa dd B(L,1)=d, nd, , viét phuong trinh céc canh 4AB:x+2y-3=0,
BC:2x+y-3=0 |
+ Goi toa d6 cic diém A, C lan higt theo cc tham s6 a, ¢ = toa 30 trung di€ém I cha AC theo
avac
+ I thudc dudng trung tuyén d2 néntacod: 3a—12¢+9= O (HPT(1)
2+2]

N

16 _
+ Khai théc gia thiét R= =z bﬁng cdch st dung dinh Iy sin trong A4BC:

+ Tinh ¢os(AB,BC) = =— => sin(AB,BC) = % = gin ABC = %

AC
sin ABC ‘
+ Tit hai phuong trinh (1), (2) tim a, c. Két hop A, C déunim v€ hai phia cia hai duong thang
d,, d, nén A(5;-1), C(2;-1).

_ _ 2
=2R e AC=3< AC? =9 <:>(c—a)2+[#§—] =9 (2)

P42 +x 79— 14y +19 =339y +1) (2)
PK: x=2-2
+ PT{) o (x+MVx+2 =(y+1)’ +2(y+1)

{(x+1)\/;c+2+3\/x+2 =p*+337 +5y+3 (1)
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o (Vr+ 2)3 FOF D = (1Y + 2(5+1)

+Xétham sé f(H) =1 +2¢, teR

Tacéd f(£)=3t"+2>0, teR=>Ham sb f(t) d6ngbién trén R
Khi d6 phuong trinh trén tuong dudng Je+2 = y+1 (3}

+ Thé (3) vao (2) ta diigc |

X 42x7 —6x+12=3.39(x+2) & x° +2x° —-'Fx+4=3[«3l'9(x+2)~—%x--§-}

v 1y
(x~1) (x+26)8<:> e | x4t X+26 0

3/9(x+2)+%x+§ 3,‘9(x+2)+%x+§

o x-D(x+4) =

@ x=1(T/m) Do |x+4+ A+ 26 >0, Vx2 -2

M x+2)+ 1 X+ 8
3 3

+Véix=1ltacoy= -1

K1: Viy hé phuong trinh ¢6 nghiém duy nhét la (1;\/?_3 -1)
Nhin xét: '

Vdi bai toan nay, khi quan sat cac phuong trinh cta hé ta thdy rdt cong kénh nhung cac em
hay binh tinh quan sit ki phuong trinh thid nhit ta s€ thay ¢ mét s6 nhéan xét sau day:

+ Thii nhét: Cdc bién x, y & moi vé 1 ddc 14p véi nhau

+ Thii hai: V& phai L2 bidu thiic bac 3 d6i véi y va vé tréi 12 bidu thiic bic 3 d6i véi Vx+2

TU hai nhén xét trén cho ta thdy rang ¢ thé sl dung phuong phdp ham 6 ( si dung ham
dic trung) dé€ gidi quyét phuong trinh tha nhét. Khi nat that &Lfo’c thao g& phin con lai ta sé giai
quyét dugc.

( phuong trinh sau khi thé (3) vao (2) ta nhan thdy phuong trinh nay 6 nghiém kép x =1
(8 dung MTBT d¢€ tim nghiém) nén ta sé thém bst d€ st dung nhéan lién hgp. Do phuong trinh
¢4 2 nghiém dé€u 12 1 nén ta sé thém bt mot biéu thic dang (ax +b) réi méi nhén lién hop.

+Ta cé ~2 <a-~3~®(a 1)? 1 >0 (ludn dang). Tuong ty bo_ Sb“g
a’+1 2 2 " hT+1 2

=P<Vy7-3ab+a+b-3=,/8~(a+h) +a+bh-3

+Dita+b=¢ '

2 2
D0%5a2+b2=ab+l3%+1:>0<fé2

Khido P<t++8—# -3
+Xéthims6 f(1)=1++8—1" -3, 1e(0;2]
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{ 2
Fl=l-——=, f ) =0 V8-t =t >t=2
/ V8-t
¢ 0 2
f'(t) + 0

1
ft) /

2J2-3

+ TU BBT suy ra I}(l}%iif(f)=l<=>l=2. Suyra GTLN claPlalkhia=b=1.

Nhin xét:
V6i bai todn nay ta nhan thay biéu thic diéu kién va biéu thic P Ia d0i xiing vdiavab nén ta’
c6 thé nghi tdi viéc dit t6ng hodc tich theo an t.

a-2
at+1
+ St dung diéu kién a® +b" =ab+1 désuyra V7 -3a = /8~(a+b)

+ Tit gia thiét va diéu kién da cho két hop st dung bt ding thiic B.C.S va AM-GM chi ra
diéu kién cna t

b-2 < 3

el 2

+ Truéic hét stt dung phuong phap hé s bat dinh d€ danh gia <a —% ,

+ Xét ham s6 mdt bién t d€ ti1 d6 chi ra duge GTLN cha f(t) va P.

Pt e b e T T e e Ee
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.
gf Ghi nhé hanh trinh luyén thi Thanh Céng

Hanh trinh luyén thi Thanh Céng sé gitp cic em dé dang 6n tap, phat hién 16 hdng kién
thirc, ghi nhé nhimg ti khda quan trong. Gidp em on tép nhanh nhét trong thdi gian nudc rat,

Cdc em hdy luu lgi dé dé dang 6n tdp nhé.

..........................................................................................

RUt kinh nghiém gi tf nhiing cu sai

----------------- At T MR AN L TN RN N RN A A m R H e m o m T T E L R A ey S A R I I RN IR R LI FRF FFTr PR rpppnms s an s
Tiddrrranrian D T T E TR TP TP L PRI EY SR LRI T TR Fisvrmmrcmmremnmr g mad kb dad T T ey T e e R TR L LI T e P I P TN Y T TP AT I A P T TR
----------- R T T P T T T P A E T LT ST ismebaae .

L L L T T P T TS S TR T T P Y P R L L L R L T T T R R S e L R RS E LT
........ N P P L B B N N T A P TR Nt b kbt b e b B N L L B B E A T F L N R A R L P4 Rr f TR TR L L hw s P me s Am s s A m s am s ar s m L
. rrane PO frnare P PP PPN tmsrantramans et trasrbimrnen perirenne
LG ECL LI LIS T Ty T T e T e e T T P e T e N R e T YTy TR A TN L LT TN L LT T P T e T Ty P P e L L TR LR IR LT R R R RS YR T Y PO PIR TP
Srssastbetane e remeranainasias et e s e 1AL PP SRR AL LA AL b LA AR RS R R A
A A A A IR r b T v ke e T A L PR AP LRI FAR PSRRI LA RN TR AN Y R L L R L T L T T T T F YT
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. . ] x+1
#(1,0diém), Khao sat sy bién thién va v& d6 thi (C) chahdm s6 y=——

x-1

(1,0 di€ém). Tim gid tri 16n nhét va nho nhét cliia ham s6

2
2 doan [0;1].
X+
i3 e H —_ 2 _H
Bap SO g'flﬂr]l]y =z, 52[%?1{]}’— 3
(1,0 diém).

a) Tim s6 phtic z thda man : (z~1).(Z +2:)1a s6 thuc va |z ~i| = V2.

) 112,
Didp s6: 7, =1, % =t

b) Giai phuong trinh sau log, (6 —4x—x2) =2log{x+4)

Dip s6: x=-1
2 2
.w 1—x
(1,0 diém}. Tinh tich phén 1= [——x.,

Ix-!-x

Didp sd: ln%

1 (1,0 diém). ‘frong khéng gian véi bé toa do Oxyz, cho diém 1(1;5;0) va hai dudng thing
x=f
x
Aqy=4—-1 34 3"1“2
z=—=]+2t

y-2 z
-3 -3

Viét phiiong trinh mat phang (@ ) qua diém [, song song véi ‘51 , By

Ddp s6: (X ):9x+5y-2z-34=0

(1,0 diém),
a) Gidi phuong trinh higng gidc 1+ V2 sin [x +%] +sin2x+cos2x =0

2
Dip s6: x=i%+k2ﬂ:, x=—-E~+k7z

b) Mot hop chida 4 qua cdu mau dd, 5 qui ciu mau xanh vd 7 quéd ciu mau vang. Liy ngau
nhién t hdp trén ra 4 qud cdu. Tinh xac sudt sao cho 4 qué ciu dugc chon cé diing mét qua mau
dé va c6 khong qua hai qud cdu mau vang.

37
Dip 56;: —
P 3% 51
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TRA » (1,0 diém). Cho hinh chép t gitc S.ABCD c6 ddy 12 hinh ch@ nhit vdi SA vudng gdc véi
déy, G la trong thm tam gidc SAC, mdt phing (ABG) cit SC tai M, ¢t SD tai N. Tinh thé tich
ctia kh&i da dién MNABCD biét SA=AB=a va gbc hgp bdi dudng thdng AN va mp(ABCD)
bing 30°. _

S\Erf

_ 24

- @XX » (1,0diém). Trong mit phing toa do Oxy cho hinh chit nhit ABCD ¢6 tim 1(% ;0). Dudng

thing AB ¢6 phuong trinh: x - 2y + 2 = 0, AB = 2AD v hoanh d¢ diém A am. Tim toa 46 céc

dinh ctiz hinh chi nhét do.

Pépso: A(-2;0),B(2;2), C(3,0), D(-L-2)

(23=3x)T—x = (20-3y) /6 -y

357 —14x~8+/2x+y+2 =2y —3x+8

" Pipsé:

€N » (1,0 digm). Gidi hé phuong trinh

Ddp s6: (5;4)

Cau 10 (1,0 di€m), V§i céc s6 thyc duong a, b théa man ¢’ +b” = ab+1, Tim gia tri 16n nhdt ctia

biéu thitc P =7 —3ab +—(E;:~2~+ 62_2 ;
a +1 Hp +1

Dips6: P =1
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Hay cot de thit sute nhe mot ln thi thit, cdc em

hay viet i i that cin thin

nhé. Ci the s6 trang gigy khong di, em hay lom va kep vao sdch d¢ dé dimg on
1ap nhé. Hay bam thoi gian vt ty thuing cho mink néu dgt diem cao nie.

Chuc em thi tot!
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PESH 2 BO DE THI THPT QUOC GIA CHUAN CAU TRUC BO GIAO DUC
Pé thigém 1 trang Mén: Toan hoc
* ok % ok Thé&i gian lam bai: 180 phut, khéng ké thai gian phét dé

Cau 1(2,0 diém). Khao sat su bién thién vA vé 36 thi hAm s6 y = x* +3x +2
Cau 2 (1,0 diém). Tim GTLN, GTNN clia him s8 ¥y =x+v4-x*,

Cau 3 (1,0 diém).

a) Goi A, B 13 hai diém biéu dién cho cic s6 phiic [2 nghiém cha phuong trinh 2° +2z+3=0
Tinh d¢ dai doan thing AB.

;s 1
b) Giai phuong trinh Iog,, x’ +Elog£ (x+2)=1+log,(4-3x)

cos2x

dx.
(1+sin 2x)cos[x-§}

Ciu 4 (1,0 diém). Tinh tich phan 1=

O — e

Cau 5 (1,0 di€m). Trong khong gian vdi hé truc toa dd Oxyz cho mét phing (P):x+2y-5z-3=0
' va hai diém A(2;151), B(3;2;2). Viét phuong trinh mit phing (Q) qua 2 diém A, B vA vudng goc
v6i mit phing (P).
Cau 6 (1,0 diém).
a) Chiing minh réing: cos4x =8cos® x—8cos® x+1
b) Tit tip X c6 10 chit 6 0; 1; 2; 3; 4; 5; 6; 7; 8; 9 ¢6 thé lap dugc bao nhiéu s6 ty nhién
g6m 6 chii s6 khac nhau, sao cho trong méi s& lap dugc déu c6 mét ci hai chii s6 0 va 1.

Cau7 (1,0 di€m). Cho hinh chép S.ABCD ¢6 ddy ABCD la hinh vuéng canhlaa, SD = 217 , hinh

chiéu vudng géc H cta S 1én mit ddy (ABCD) Ia trung di€m ctia doan AB. Goi K la trung
diém cha AD. Tinh thé tich khéi chép S.ABCD va khoédng cach gilia hai dudng thing SD va
HK theo a.

Cau 8 (1,0 diém). Trong mit phdng véi hé tryc toa do Oxy, cho hinh thang ABCD vudng tai A va
B. Dudng chéo AC nim trén dudng thing d:4x+7y-28=0.Pinh B thudc dutng thing
d:x-y-5=0,dinh A ¢6 toa dj Ja cic s6 nguyén. Tim toa df céc dinh A, B.C biét dinh
D(2;5) va BC=2AD.

(x— 1] +2(y+1) =6
Cau 9 (1,0 diém). Giai hé phuong trinh

3% 25— 54 2xJx  +1 = (y+1)\/4y" +8y +8B

. e e e . 4 e La
Cau 10(1,0 diém). Véi cac 6 thyc a, b, ¢ duong, nho hon — théa man ¢+ b+¢ =3, Tim gid tri nho

3
nhit c¢fia bidu thiic P = . +— ] +—5 1 .
2 (3b+3c—5) b (c+3a-5) ¢ (3a+3b-3)
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LOI GIAI CHITIETVA ON TAP

% TXD: D=R
* Su bién thién
+ Gidihan: lim y = -0, lim y =+

+ Chiéu bién thién

x=0

x=-2

Ham s8 d6ng bién trén moi khoang (—wo;-2) va (0;+c0), ham s nghich bién trén khoang
(-2;,0)

+ Cuc tri:

Ham s& dat cyc dai tai x = -2 va gid tri cuc dai bang 6

y'=3x% +6x, y'=0<:>3x2+6x:0<:{

Ham 6 dat cuic tiéu tai x = 0 v gid tri cyc tiéu bing 2

+ Bang bién thién

X | —oo -2 0 +o0
y' + 0 - 0 +
6 +o0
Y
—oo 2
*Da thi
Nhin xét:

Day 1a bai todn cg ban vé khdo sdt va vé d6 thi

~ Budc 1: Tap xic dinb cha ham sd.
- Budc 2: Sy bién thién,

- (3ioi han

- Chiéu bién thién

- Cdc tri

- Bang bién thién .
- Buidie 3 D6 thi chia ham sd.
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y=x+\}4—-x2

+ TXP=[-2;2]

X Va—x —x

+ y'=1- =
Ja-x NI
x20

y=0oJi-x"-x=0& 4—x2:x@{4 . o 1=V2.
-x'=x
+ y(=2)=-23(2)=2p(v2) =242

+Suyra: tr{l:g%]y=~2 khix=-2, nEJaX y=2x/§ khixzx/i,_

xef-2;2]
Nhén xét;
V6i bai toan tim min, max cia ham sé f{x) trén doan [a; b] ¢ac em ¢an thyc hién cac budc sau:
- Buidc 1: Tinh dao ham £'(x) va gidi phuang trinh £(x) = 0 tim cdc nghiém x, € (a,5) hoic
x, € {a,b) ma tai d6 ham s6 khong ¢6 dao ham
- Bu'dc 2: Tinh cdc gid tri f'(a), £(b), f(x,) ( Hodclap BBT clia ham s6 f(x) trén doan [a;5])
- Bidc 3: So sanh f(a), £(b), f(x,) va chi ra min, max
83 -
it ) _ ’ z=-1+ z'\/z
+ Phuong irinh tidng duang (z+1) =2 (z+1) =(i2) ©
z=-]— :'\/E
+ Khi d6 hai diém biéu dién cdc s6 phiic trén [a A(-1; \/5), B(~1;—2) dodé 4B=22.

Nhén xét:

V6i bai toan nay cdc em can thuc hién cic viéc sau:
+ (Gidi phuong trinh tim cdc nghiém. Phuong trinh nay don gidn nén ta khong cin gidi bing
cach tinh A
+ Chi ra toa d6 cc di€m A, B bi¢u dién cic s6 phiic la nghiém cGa phuong trinh trén
+ Tinh d¢ dai doan thing AB.
3.b
4
+DK: O<x< 3

+ Phuong trinh tuong dudng
log, x +log,(x + 2) = log,(12 - 9x) < log, x(x + 2} = log, (12 ~9x)
, x=1 (T/m)
S xx+)=12-9x < P +11x-12=0<
x=~12 (L)

+ KL: Phuong trinh ¢6 mét nghiém x = 1.
Nhin xét:

V3i cdc bai todn v€ logarit cdc em cin nhé tim diéu kién x4c dinh cla phuong trinh va trudc
khi keét ludn nghiém phuong trinh cdn két hop difu kién. Bai todn ndy cic em nhén thdy ta dua céc
bi¢u thic trong phudng trinh vé cling co $6 3. Cac em c¢én thyc hién céc bude sau:
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+ Bt diéu kién xac dinh clia phuong trinh
+ Dua hai v€ clia phuong trinh vé cung co 56 3:
log, x(x+2)=log,(12-9x) & x(x+2)=12-9x

+ G1a1 phudng trinh bic hai va két hop diéu kién rdi két ludn.

+I—«/§J (sinx+cosx){cosx —sinx) .
» (sin’ x+cos x+25mxcosx)(smx+cosx)

| 2

T

| F

_*/__[ cosx—sinx \/—J«d(%inx+cosx) B J2 |Z=\/§_1

y (sinx + cosx) o (sinx+cosx)”  sinx+ cosx|ﬂ

Nhin xét:

Bai todn tinh tich phan lugng gidc vin dung cdc cong thiic lugng gidc co bdn vé6i phép dbi -

bién sé.

+ Xét biéu thite duéi déu tich phén, st dung cdc cong thiic

cos2x =(cosx - sinx)(cosx+ sinx)

. ] 2
{1+sin2x = (sm:x +c05x)

cos[x~£] =u}-(cosx +sinx)
4) 2

u' du

1
+ Su dung dGibién s6 u=sinx+cosx = u'=cosx—sinxnén I¢o dang I =-—+C.
- u

+ Mét phang (P) c6 VTPT 7 =(1;2;-5), dudng thing AB c6 VTCP 4B = (L;1;1)
o (12 =55 1 2
[n, AB] = : ;
1 1

1 ®1 t
+ Mit phing (Q)} di qua hai diém A, B va vudng géc vGi mit phing (P) nén (Q) nhan véc to
[E,E] = (7:-6:~1) 1am VIPT= (Q): 7(x—2) = 6(y— D)~ 1(z—1) = 0 <= (Q) : Tx~6 y~2~7 =0.

J: (7,-6;-1)

Nhén xét: :
Vi bai todn nay ta xac dinh duge hai y&u 6 difm va VTPT clia mit phing (Q)
+ Piém thuoc(Q)1aAvaB

+ VTPT la tich c¢6 huéng clia hai véc to: Phdp tuyén clia mit phing (P) va chi phuong clia
dudng thing AB.

+ VT =2cos’ 2x—1=2(2cos’ x—1)* —1=8cos" x ~8cos’ x +1 = VP
Nhin xét;

Day 14 bai todn don gidn vé bién d8i higng gidc. Bai todn nay cdc em cd thé bién d6i VP bang
cich thuc hién cong thiic ha bac d€ chi ra bing VT hodc cic em ¢6 thé sl dyng ching minh tuong
duong. D& lam bai todn ndy cac em cdn nhd cong thic ha bic va cong thiic nhéin doi:
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cos2a=2cos’a-i
1+cos2q

cos’q=

2
8 6.b:Cich}
+ Goi 6 ty nhién 6 6 chi sg khdc nhau théa man Yeu cubii todn 13 x = abedef, g0 1

+ Xép 56 0 vao che v tri b, ¢, d, e, fc6 5 cach xép

+X&p s6 1 vao 5 vi tri con lai sau khi xép 56 0 ¢6 5 céch xép
+ 4 vitri ¢on lai san khj x€p hais6 0valcod 4 cich xép
Vay ¢6 tdt ca 5.5.4° = 42000 ¢

Céch 2

~THl:a=1

+ X€p s6 0 vao 5 vi tri con lai ¢6 5 céch xé&p

+4 vitricon lai sé cé A4 cich xép

Do dé, c6 1.5.4; =8400 ¢4

-TH2: a =1

+acd 8 cach xép

+ Xép hai s6 0va 1 vao 5 vitri con lai 6 A7 cich xép

+ 3 vitricon lai sé ¢ A cich xép

Do d6, ¢6 8.47 42 = 33600 s

Vay c6 tat cd 33600 + 8400 = 42000 56
Nhin xét;

Diy la bai todn t§ hop dém s6 thudng gip, dé giai quyét dugc dang todn ndy cdc em cdn nim
chic kién thic hodn Vi, t6 hop, chinh hgp va phai biét phan biét dugc ching khi nio ta diing
chang. Véi bai todn ndy thi ¢é rit nhidu cich gidl: ¢ thé gidi tryc ti€p, gidi gidn tiép...

i Cich 1
+ Trong tam giac vuéng ADH :
2
HD =HA + 4D? = H(EJ +a? = af
Trong tam gisc vuéng SDH :
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1 1 anE
‘;

+ Theé tich khéi chép SABCDIA ¥, .. =§.SH.SABLD =54 3a*=
+Tacd HK //BD = HK / /(SBD)

=> d(HK,SD) = d(HK ,(SBD)) = d(H ,(SBD))

Ké HE L BD,Do SH 1 (ABCDY=> SH 1 BD .Suyra BD 1 (SHE)= (SBD) L (SHE) = SE
Ké HF | SE = HF | (SBD) = HF = d(H (SBD))

+ Trong tam gidc vuéng cin HBE: HE = HB?2 = a\2[2_

T e vubng SHE e e Ly L U b7 a2l
rong tam giac vuong “HFE  HSE HE (a\/g)z [Q\E T Z
hay d(HK,SD) = a‘/_ (dvdd) 2

Cidch 2
+ Chon hé truc toa d§ Oxyz cb H tring vdi gdc toa do O, B thudc chiéu duong truc Ox, trung
diém cta CD thuéc chiéu duong truc Oy, S thudc chiéu duong truc Oz. Khi d6 suy ra toa d¢ cac
diémH, A, B, C, D, S, H, K. Tt d¢ tinh dugc Vs wacp Va d(HK,SD).
Nhin xét;
Voi bai todn nay viéc tinh thé tich tuong déi dé dang, viéc tinh khodng cdch gitia hai dudng
thang chéo nhau HK va SD ta thuc hién cdc budc sau:
do + Chon (SBD) chifa dudng thang SD va song song véi du’cmg thing HK
| + Khing dinh d(HK,SD) = d(HK,(SBD)) = d(H,(SBD))
+ Chon mit phang (SHE) chita diém H va vuéng géc vdi mit phing (SBD) theo giao tuyén SE
+ Ké HF vuodng goc véi SE—= HF = d(H,(SBD))
+ Dya vao hinh vé va gia thiét tinh 46 dai HE.
Luuy: V6iy tinh khodng cach ndy sit dung phuiong phidp toa do sé dé dang hon va khong phii
dung thém dudng phu.

. ]‘ A . D(2;5]
+ Goi B(b;b—S)ed'.Ta co K d
| d(B,AC) BH BE BC
' d(D,AC) DK DE AD . >
.
i 4b+7(bﬁ5)~28] ,[42+75-28 o 115 63{=30 5 115-63=30 b:%
Va2 4 72 Jaz 72 11p-63=-30 |, _,
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+ Do B va D nim khéc phia d6i vdi duding thdng AC nén
(45 + 75 —28){dxp, +72, —28) <0 = (115~ 63).30 <0

+Dodé taduge b=3 ,suyra 8(3;u2)
+ Goi A(QA_E';E)EC[) A_B.:[B’"a;&;'—(ﬁ], E:[Z—a;t—a+1J

Tam gidc ABD vudng tai A nén ta c6 AB.AD =0 < (3~a)(2—a)+ (% - 6][%‘3 + 1) =0

a=F0
o222 3, e 77
49 ? G:E

- V6i a =0=> 4(0;4). Theo gia thiét BC =24D = BC = 24D = ((7,0)(Théa mén thuéc d)

77 -
- Véi azujA(E-ﬁ]. Theo gia thiét BC=2AD:>BC:2AD:>C[%;%} (Loai vi

13 13
khéng thuée d) 13
Nhan xét:

Vi bai todn nay cic em nhan thiy ring gid thiét cho toa d B thudc d’ nén ta nghi ngay t6i
viec goi toa do B theo tham s6 d€ thiét 14p mot phuong trinh tim tham sé d6. Lai ¢6 dugc dinh
D, phudng trinh dudng AC va biét BC = 2AD nén nghi ngay t6i viéc tim khoang cach tit B dén
dudng AC. Khi d6 nut that da duge thao g& phin cdn lai sé d& dang hon,
~ Cuthécicem phai thuyc hién duge cdc budc sau:

d(B,AC) BH BE BC _

= ===
4(D,AC}) DK DL AD

+ SU dung talet suy ra

+ Goi toa do B theo tham s6 b va thiét 14p phuong trinh

 ap+7(b-5)-28  |42+75-28 p=2
=2 =R — 11
J& 7 V& 7 b3

+ Loai 1 diém B (st dung B, D ndm v€ 2 phia ctra dudng chéo AC )

+ Goi toa d6 A theo tham s6 a, tit gid thiét tam gidc ABD vudng tai A thiét lap phuong trinh
AB.AD=( tima

+ Tim tga d6 C { st dung BC = 24D = BC = 24D = () (hoic cic em c6 thé vist phuong
trinh BC sau dé tim C 14 giao di€m cia AC va BC).
+ Loai 1 diém C dya vao C thuéc AC (hoic loai C dya vio BC =24D)

2x=x"+2y" +4y-3 (1)
+ Hpt & :

3% —(x" 23" +4y=3)—5+2xx +1=(y+ 14y’ +8y+8 (2)
+PT(2)<:>3x2—(x2+2y2+4y—3)—5+2x\fx2+1:(y+]_)«/4'y2+8y+8
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& 2x2 +2x3xt +1=2(y+1)? + 2y + D3 + 1P +1
S+ Hl= (v D+ (DY + D+ (3)
+Xéthamsé F() ="+t +1, 1R

2

2 2 2 t+VE +1

O =2 4P 11 4 2 2 AL 2NE ”:( ) >0, teR
VP +1 Vit +1 VE +]

= Ham s6 f{t) dong bién trén R

+ Khi d6 phuang trinh (3) tré thanh f(x)= f(y+ D@ y=x-1 (4)

+ Thé (4) vao (1) ta digc:

x=—1->yp=-2
2x=x"+2x-1)’ +4{x-1)-3 = 3x*-2x-5=0 5

x=2 =t
3 773

Nhan xét:

Vdi bai toan nay, khi quan sat phuong trinh thii 2 cic em thdy c6 hai biéu thiic 2x4x% +1,
(y+1)y45* +8y +8 =2(y + DJ(y +1)* +1 ¢6 dang gidng nhau nén ta nghi ngay dén viéc sit dung
phuong phép ham s6 tit phuong trinh ndy. Tay nhién quan sit phin con lai 13 3x* —2x-5 ta
cin dua vé€ mot bicu thic chita ¢d hai 4n x, y d€ ¢6 thé dua vé ham dic trung nén ti phuong
trinh thii nhédt cic em sé thé vao phén niy d€ xudt hién biéu thiic 3x* ~(x* +2y* + 4y -3)-5
=2x" —=2(y+1)*. Dén day thi nit that ctia bai todn d3 dugc théo g& roi.

! 1 1
= 2 _|_ 2 + >
a’(4-3a) B (4-3b) c*(4-3c)

+ Tt gid thiét ta thy (4-3a),(4-3b),(4-3c) déu duong. Ap dung bat ding thiic AM - GM ta
k] . .

a+a+4-3a :(4ﬁa)3 = 1 5 27

3 27 a*(4-3a) (4-a)’
1 > 27 : 1 5 27
b'(4-3) (4-8)'"c*(4-3¢) " (4-cf

+P

co: a*(4—-3a) = aa(d-3a)< [

Tuong ty
+ Khi dé
Pz 27[

1 1 1 Jz 3 81.27

T+ -+ =~ | = 27. 2
(4-a) (4-by (4-¢) (4-a)4-b0)Ed-0) ((4-a)+@-b)+@-o))

_ 8127 8127
(12-@a+b+c)) (12-3)

+ Suy ra GTNN ctia biéu thiicPla3 khia=b=c=1.

7=

Nhin xét:
Ta c6 the st dung phuong phdp hé s6 bt dinh hodc phiong phip tiép tuyén dé danh gid duge
1 1

1 D 5
2 b, 62(4_30)20.Khldo Pza+bh+c=3.

= a, 2
a*(4-3a) b’ (4 ~3b)
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iff Ghi nhé hanh trinh luyén thi Thanh Céng

Hanh trinh luyén thi Thanh Céng sé gip cac em dé dang on tap, phat hién I6 héng kién
thirc, ghi nhé nhiing tir khéa quan trong. Gidp em én tap nhanh nhat trong thai gian nudc riit.

Cdc em hay luu lai dé dé ddng én tép nhé.

NGAY coovvvorrssissivississississinnn B
Thilan ... ressaesesesssaseasssssssssssas
58 diém Gat AUOC vunvvvevevivsnersannnd 10

ugcchidénao -
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Rut kinh nghiém gi ti nhitng cu sai
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T e g A T S 44 R4 E R R} SRe R T T L R LR IR R T T TR I L LLR L LIt (ST TPPPIPITEEATEPPES TR P T TUTTT L P L PT LI PP T PRI P PP P
B LT T P P P, L L L e S E T R T T T LI T PP

L L TTU P PETTET P A E T R R R A IR LR FT R R TR R R R £ RN A AN A R A AR R S TR AR AR R L PR R E AT AT b
"""ll‘-'o.-ntnclﬁutunn.-------- . LT} - - L ERELY - - trndarbnatbastranrrd wherk - LT - -

e
LEEL LY TP,
e L T T T B I T T T P T T

BT ST
............................................................................................................................................. A

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/




PDF Séch Luyén Thi Bai Hoc
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Bai hoc va kién thic rit ra tir d4 thi nay.
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Cupe disi ban tya nhar mot vien dd, chin ban
o ngudy quyet dink vien dd &y bdm dong reu hay
tré thamh mot vién ngoc sdng.

- Khuyet dant,
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CIRR - (1,0 diém). Khao sat sy bién thién va vé d6 thi (C) clia ham s y = x° — 3x% +3

N _ .
RELg A * (1,0 diém). Tim GTLN, GTNN cfia ham s6 y = trén doan [~1;2],
(r x2+1 . [ ]

Dip s6: Jmin y = 0, xr:?_al)g] y=v2
[ETER * (1,0 diém),

a) Cho 2. z, la cic nghiém ciia phuong trinh z* —=2z+4=0. Tim phén thyc, phin 4o cfia s6
015
Phﬁc W= [i} R
ZZ
Ddp s6: Phan thuc bang —%, phén 40 bing —g
1
b} Gidi phuong trinh log, 3+1og, x=log - 3+ log, Vx +E
|
Ddp s6; ¥=7>% =9

14sin2x+cos2x .
dx.

XK » (1,0 diém). Tinh tich phan 1=
Pap 56: 1

SN x +cos x

O | 3 3 |

BE » (1,0 diém). Trong khong gian véi hé truc toa d6 Oxyz cho diém A(1;0;1),B(2;1;2) va
mét phing (Q): x + 2y + 3z + 3 = 0. Lap phuong trinh mét phing (P} di qua A, B va vuéng
goc vai (Q).

Pipss: x-2y+z-2=0

IE * (1,0 diém),

fl - & - N 3 .
a) Chiing minh ring: cos3x.sin’x+sin3x.cos’x="~sin 4x

b) Tutip X co 8chitss 0, 1, 2, 3, 4, 5, 6, 7 ¢6 thélap duge bao nhiéu s& ty nhién gom 4 chii
56 khac nhau, sao cho trong méi s6 lap dugc c6 mit ci ba chit s6 0, 2 va 7.

Ddp s6: 90

(& (1,0 diém). Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhit véi AB=a, AD =2a.
Canh SA vudng géc voi mit phang ddy , canh bén SB tao véi mit phing day mét gbc 60° Trén

canh SA ldy diém M sao cho AM =%_§~ , mit phing ( BCM) it canh SD tai N .Tinh thé tich

khdi chép S.BCNM.
1 O\/gc_zi
27

Pdp s6:
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@R X » (1,0 3i8m). Trong mit phing véi hé toa &6 Oxy, cho tam gidc ABC ¢6 phuong trinh canh
AB: x -y -2 =0, phuong trinh canh AC: x + 2y - 5 = 0. Biét trong tam clia tam gidc G(3; 2).
Viét phuang trinh canh BC

Béps(j’ x—4y+? =)
(18x+ 92 +x+1 = yydy* +27

2y +3) =240x(2y ~9)

Q&R » (1,0 diém). Giai hé phuong trinh {

45+24V3
Pidp s6: [714\@;—‘5_2\/:“]

RETRIE » (1,0 didm). Cho 3 88 thuc duong a, b, ¢ thda min diéu kién a’ +b’ +c =1,

& -2 +a b -20+b -2 +c 23
+ + < .

Chiing minh rin <
& & P+t ¢t +a* @t + b 3
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Hay cor d2 thai site nhae mot lin thi thii, edc em hdy viet I gidi that cdn than :
nhé. Co the 6 trang gidy khomg dil, em hay lam va kep vao sdch d¢ dé ding on :
tap mhé. Hay baim thii gian v ty Shuimg: cho mink néiy dit dién cao nké.

Chuic em thi tot! |
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>
pEsO 3 BO DE THITHPT QUOC GIA CHUAN CAU TRUC BO GIAO DYL
Pé thigém 11trang Mén: Toén hoc
ek aRalalied Thoi gian lam bai: 180 phut, khdng ké thai gian phat dé

¢au1(1,0 diém). Khio sit sy bién thién va vé d6 thi (C) cia ham s6 y = x*—2x?

lex

Cau 2 (1,0 diém). Tim gid tri I6n nhdt, gi4 tri nho nhét cia ham s6 y= ! trén doan [1 ;63] .

x
Cau 3 (1,0 diém).
a) X4c dinh tip hop cdc diém trong mat phing phiic bi¢u dién 6 phiic z thoa man
|z‘ =E—3+4z’]
Jogy  Jogpx _ ¢

log, x—log, y=2

JIn2
dx

]

b) Giai hé phuong trinh {

Cau 4(1,0 diém). Tinh tich phan 1=

¢ Lom A » . I - 1 _1 -
Cau 5 (1,0 diém). Trong Khong gian v6i hé toa dd Oxyz , cho dudng thang A: x2 =2 = z n 2
va digm A(2;1;2). Viét phuong trinh mat phing (P) chifa A sao cho khodng cach tit A dén (P)
s 1 :
bang — .
*5
Cau 6 (1,0 diém).

a) Giéi phuong trinh 2cos3xcosx+ 3 (1+sin2x) = 23cos [2;\: + %J
~ b) Mt hop chuia 30 bi tréng, 7 bi dd va 15 bi xanh. Mot hép khéc chija 10 bi trang, 6 bi d6 va
9 bi xanh. L4y ngau nhién tit méi hop bi mot vién bi. Tim xdc sudt dé 2 bildy ra cing mau.
Cau7(1,08iém). Cho hinh chép S.ABCD c6 day ABCD 13 hinh thoi tam O canh binga va BAD = 60°
Canh SC vuéng goc véi mat phing (ABCD) va SC = Q\E .Ké OK 154, (K e §4). Tinh
thé tich khdi da dién SCBDK.

- Cu8(1,0 diém). Trong mit phing toa do Oxy cho hinh vudng ABCD, M(3;2) thudc dudng thing
BD. Tit M ké ME, MF l4n lugt vuong géc véi cac canh AB, AD tai E(3;4) va F(-1,2). Tim toa
dd dinh C.

Cau 91,0 diém). Giai phuong trinh: Jx +_§/x(l -x)* + f/(l —x) =vl-x+ ‘\‘/JT3 +4(1-x)x°

- Cau10(1,0 didm). Cho a,b,c >0thda man abc =8,

1 1 1
+ +
2a+b+6 2b+c+6 2c+a+b

Hiy tim gié tri lon nhét ctia bidu thic: P =
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»*TXD:D=R

* Su bién thién

+ Gidi han: Il_izpmy = 0o, ,JEEUJ' = 40

+ Chiéu bién thién

x=0

i y':4x3——4x,y':0<:>4x3~4x:0©[ 1

il

Ham s6 dong bién trén mdi khodng (-1;0) va (1;4<0), ham s6 nghich bién trén méi khoang
(—o0;=1) va (0;1)

+ Cuic fri:

Ham s8 dat cyc dai tai x = 0 va gid tri cuc dai bang 0

Ham s6 dat cyc ti€u tai x = -1, x = 1 va gid trj cuc tiéu bing -1

+ Bang bién thién

X | —eo -1 0 1 +oo
y - ¢ + a - 0 +
+oo 0 +o0
Y
-1 -1
* Do thi

Nhin xét: | 4
Day 1a bai todn ¢ ban vé khao sét va ve d6
thi ham s6 triing phuong. Cdc em cén thuc hién 21
ddy @ cac budc sau:
- Buoc I: Tap xdc dinh clia ham sé6.
- Budc 2: Su bién thién.

T I
- Gi6i han \/
- Chiéu bién thién -

- Cyc tri
- Bang bién thién
- Bitdc 3: D6 thi cia ham s6.

H
<'-
v
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+Tacd ¥Y'=2Inx—In’x, y'=0=2Inx-In x=0

mx=0 [x=1(1/m)
L
mx=2  |x=& (T/m)

4 9
+ y(D) =0, y(&’) ==, (&)=
[ [+

+ Suy ra lﬁ?f‘ﬁy:{}khile va ’[‘ffﬁy:; khix=eé®.
Nhén xét:
Vdibai todn tim min, max cta ham so {(x) trén doan [a; b] cac em cidn thyc hién cac budc sau;
- Bu6c 1: Tinh dao ham f’(x) va giai phuong trinh f’(x) = 0 tim cdc nghiém x, € (a,b) hoic
x, € (a,5) ma tai d6 ham s6 khéng ¢6 dao ham
- Budc 2: Tinh cac gid tri f(a), £(b), f(x,) (Hodc lap BBT ctia ham s6 f(x) trén doan [a;5])
- Budc 3: So sanh f(a), f(b), f(x,) va chi ra min, max

+ Goi M(x;y) la diém biéu dién s6 phiic z=x+ i (x; ¥ € R} trén mit phing phiic
+ it gi thiét [z =z 3+ 4i) & [x+yi] =[(x=3)+(4- )

SR+ = Jx-3P +(E-y) o P4y =(x=3P +(d-y)
&> ox+8y—25=0
+ Vay tap hop diém M 1a duong thing 6x+8y-25=0

Nhién xét:
Vi bai toan nay cdc em cén thuc hién cic budce sau:
+Goi M (x;y) la diém biéu dién s§ phitc z=x+yi (x;y € R) trén mit phing phiic.
+ Ttt gia thiét thiét 1dp m6i lién hé gitia x vay:

© d=[-3+4 o e 6x+8y-25=0

+ Tl mé&i lién hé & trén kit ludn vé tap hop diém M:
Tap hop diém M 1 dusng thing 6x+8y—25=0.

m 3b
+DPK:x>0,y>0
+Dit log, x=a, log, y=b

a=-1
ab | nab _ ab _ bh=3 {b:—S
HPT rd thanh 2 2 1602 =8 )@ o
a—h=2 b=a-2 b=a-2 a=
b=l
e
+ Vi tacod 2
b=—3 10g2y_ 3 yzl (T;’m)
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Vi a=3  cl la:)gzx:3<::> x=8 (T/m)
+ V6i b1 a o y=2 (Tim)

Nhin xét:

Vi bai todn ndy quan sét § ¢4 hai phuong trinh ctia hé déu chita céc bidu thic logs x, logy y
nén ta nghi ngay dén phuong phép ddt &n phu d¢ gidi ching. Luu ¥ trudc khi gidi cdc em cén dit
diéu kién xac dinh v két hop diéu kién trudc khi két luan nghiém ctia hé.

31j12 dx
?
(Ve 2)
+Dat\/_—"—t:>e =1 = 3%dr = exdx:>dxm3—f{
Véix=0thit=1;x=3In2thit=2

2 2 2
RPN Y [ T e IS (e
t{e+2) 4l t+2 (1+2) 44 142 t+2) 40 2 6
Nhin xét:

V6i bai todn nay cac em thédy xuft hién biéu théc mi ndm bén trong can thiic nhu vay ta sé
sti dung phép ddi bién s6 d€ gidi quyét bai toan. Bai todn cin dugc thuc hién qua céc budc sau:

+ Thyc hién déi bién s6 %/.:’r =¢ va ddicin

+ Bién d6i tich phan ban ddu vé tich phan mdi (tich phan clia bam phén thic hiu ti)

+ Tinb tich phan méi (sit dung phép phan tich biéu thiic dudi ddu tich phan bang cach st
dung d6ng nhét thic hodc ki thudt nhay ting lau). Cu thé:

3 A B
t(t+2) ST ey

+[=

= A4,8,C

Hoac
N (G S e 7
;(Hz)z 2 f(r+2) 200+ @+27 | 202\ t+2) @+2¢ | 4lr 142 (r+2)2J
ETEL » + Dug thing A di qua diém M(1;1:2) v ¢6 VICP u=(2~L1)

Goi 1= (4;B;C) = 0 1 véc to phip tuyén clia mdt phing (P).

Mit phéng (P} di qua diém M thudc Avicod VTPT n=(4;B;C) # 0 nén (P) c6 phuong trinh
A(x—1)+ B(y-1)+C(z—2)=0<> Ax+By+Cz—A~B-2C=0

+ Pudng thing A ndm trén (P) nén un=024-B+C=0C=8-24 (1)
Khoang cich tif A dén mét phéng (P) bang 7%

24+B+2C-4-B-2C| 1 |4| 1

nén
J4' + 8+ G B
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& 242 =B +C* (2)
Thé (1) vao (2) ta dugc <> 24° = B> +(B—24) < 24" —44B+2B° =0<> A=B.
Chon A=1=B8=1C=~-1=F):x+y-z=0

Nhin xét:
Vi bai todn nay dé vi&t phuong trinh mét phing (P) cac em cin tim hai yéu t6 13 diém thudc
mit phdng va4 VTPT ctia m3t phing. Céc em cin thuc hién cac bude sau:

+ Goi VTPT clia mit phing (P) 1 = (4; B; C}= 0. Cén thiét lap 2 phudng trinh 3 4n

+Stdung Ac(P)=un=0& C=B-24(1), JA(P)) == 3247 = B + C* (2)

J3
+ Gidi hé phuong trinh (1), (2) tim C va B theo A tii d6 chira VIPT # va viét phucong trinh
mt phang (P).

+ PT tuong duong 2cos3xcos x +/3 (1+sin 2x) = 2+/3cos’ (Zx + %]

&> o8 4x +cos2x + \/g(l+sin2x): Jg[1+cos[4x+%D

< cosdx + \B sindx+cos2x + \,@sin 2x=0

<> S§in 4x+£ +sin 2x+£ =0
6 6

<:>25in[3x+%]cosx: 0

T x= H+kﬁ.
sin| 3x+— |=0 BT )
- lﬂ[x 6] - 18 3
7w
cosx =0 I=E+k7£‘

Nhin xét:

Quan sat vao cc biéu thiic trong phuong trinh cacem nhan thiy ¢6 cdc biéu thiic cos® [21 2
vil cos3xcosx nén ta nghi t4i viée st dung cong thiic ha bic va cong thiic bién d4i tich sang téng.
Sau khi thyc hién bién ddi 2 biéu thuic trén ta thdy phuong trinh xudt hién biéu thic bac nhit d6i
v6i sin va cos cha cac goc 2x va 4x. Dén déy viée giai quyét bai todn don gidn hon réi.

6.b

+ Goi A 1a bién ¢ “1ay dugc hai vién bi ciing mau”

+ Chon i m&i hdp ra mét vién bi bét ki ¢6 52.25 = 1300 cich chon

= |Q=1300

+ Dé chon ra hai vién bi cling mau sé xay ra cc truding hop sau

- THI1: Chon ra 2 vién bi cing méu tring c6 30.10 = 300 céch chon

- TH2: Chon ra 2 vién bi cing mau dé ¢4 7.6 = 42 cach chon
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- TH1: Chon ra 2 vién bi cing mau xanh c6 15.9 = 135 cich chon

:,\Q \:477

+ Xac sudt cha bién c6 A la: P(A) =
Nhdin xét:

Bai todn tinh xac sudt la mét loat toan luén xudt hién trong dé thi BPH cdc nim gan day va déu
12 nhiing bai todn vin dung dugc cong thic clia dinh nghia ¢§ dién. Cé thé ndi todn xdc sudt [a
moét loai todn khong kho, d€ lam tét duge loai todn nay cic em cn:

- Néam dugc céc budc gidi va cin xdc dinh chinh xac dugce phép thi T d€ tit 46 tinh s6 phén
tif cia khong gian mau va sd phén ti thudn 1gi cho bién ¢6 chinh xdc.

- Dic biét cac em phai phén biét dugc céc quy tic cong, nhan trong qud trinh tinh [ va Q]

Véi bai toan nay cdc em cn thyc hién cdc bude sau:

+ Goi A la bién ¢6 "lay dugc hai vién bi cung mau”

+ Tinh s& phén tli ctia khdng gian mau va sO phan i thudn lgi cho bién ¢6 A:

Q| =1300 \QA\ =477
] _ 477

+ Van dung dinh nghia 8 dién cla xac sudt d€ tinh P(A): P(A) =

[ 1300

Vo asen = ESC‘SS.AECD = T

Va: Veepgn = Vs asen

| BD L AC

+D {BD LSC
ma OK I SA=>SA i (BKD) nén AK la duong
cao ciia hinh chép A.BKD

+ Hai tam gidc SCA va OKA ddng dang vdi nhdu nén ta cé

- VA.BKD

= BD 1 (SAC)= BD L SA

c L

OK _SC_ x_OASC__OASC _a [, s0a_2 a\/_ a3
OA SA SA  JsCTiAC? 2

BD L (SAC 1 2
+ Ma SAQ) 0K 1 BD = S, =~ OKBD =2

0K < (SAC) - 2 4
Talaico: S =20 L Ax ~ACOK_ 8 iasca AOKA)

OK AK sC 2
l \/m 2a
Suyra V., = 3 —AKSy,, = o
\ V2 a2 5248

Vay: Vienrn = Ve asen — Vasi = 4 - >4 = 24 (C'Tvtt)
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Nhin xét:

Day 14 bai todn tinh thé tich cia mét khoi da dién va khéi SCBKD khong phai la mét khéi
chép hay mot khéi lang tru. Vay & bai todn nay ta khéng tinh tryc ti€p dugc ma ta phai lam gian
tiép théng qua thé tich ctia hai khdi chop Vsanco: Vasxo: Vsean = Vsasco = Vaweo -

+ Duong thang AB di qua diém E(3;4) va vudng A

E B
goc v6i ME nén nhan ME = (0;2) lam VTPT -
= AR 0(x~-N+2(y-4) =0 AB:y—-4=0 -y
Pudng thing AD di qua diém E(-1;2) va vudng F ' M
goc voi MF nén nhan MF =(—4;0) lam VTPT
= AD: —4(x+1) +0(y-2) = 0> AD:x+1=0
Do dd A(—1;4)
+ Do ABCD Ia hinh vuéng nén tam gidc MEB o
C

yuédng can tai E do dé EM =EB
B thudc duding thing AB nén B(b; 4)

b_
EM = FB < EME:E32@4=(b—3)Z@[b_1
+ V6i b=5= B(5;4)

DPudng thing BD di qua B va nhin MB=(2;2) lam VICP nén BD ¢6 phuong trinh

‘x—y—1=0

Ta thdy hai diém E, F nim vé 1 phia ctia dudng thing BD = B(5;4) thoa min

x+1=0 x=-1
Toa & D théa man hé phuong trinh: = = D(-1,-2)
_ x—-y-—-1=0 2

Goi I 14 tdm ctia hinh vuéng ABCD = 1(2;1) = C(5;,-2)

+V6i b=1=> B(1;4)

Pudng thing BD di qua B vA nhan MB =(-2;2) lam VTCP nén BD c¢é phuong trinh
k+y-5=0

Ta théy hai di€m E, F nim vé 2 phia clia dudng thing BD = B(1;4} khong théa man.
Nhin xét:

V6i bai todn ndy céc em ¢in thyc hién duge cdc bude sau day:

+ Ta dé dang thiét lap dugc phuong trinh hai canh AB, AD ctia hinh vuong ABCD

+ Khing dinh dvugc EMB 14 tam gidc vudng can tai E d€ ¢6 duge EB = EM. Ngodi ra cic em
¢6 thé chi ra tam gidc MFD vudng cin tai F d€ c6 dugc FM = FD va tii d6 tim dugc toa dé diém D.

+ Khi tim dugc toa d6 diém B rdi ta d& dang lap dugc phuong trinh cha dudng chéo BD i d6
tim toa d¢ D. Ngoai ra cic em c6 thé thiét 1ap phuong trinh dudng chéo BD bang cich khai thic
goc MBE = 45 hay goc gitia hai dudng thing AB va BD bing 45°.

+ Difu quan trong la cdc em phai biét loai nghiém ( vi E, F 1an lugt 14 hinh chiu chia M 1én
AB, AD nén hai diém E, F phai nam vé cling mét phia cia dudng chéo BD)

+ S dung toa d6 trung diém suy ra toa d6 diém I va diém cén tim C,
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=ag*+h =1

Hye —g>
+Bét{\/; az0

fl-x=bz0
! T phuong trinh di cho ta dugc

Erab +B =b +d +a2b<:>(a—f?)[a+b_(a2 +“b+bz)]:0

| o (a-b)a+bl-a-b)=0= (a—b)(l-a-0)}=0 (Doa+b>0)

a—-b=0 arb=1
) hod II
a“—kb“zl()I o {a4+b4:1( )

: 1 i
| + Gidi hé (1) ta duge a* =b* = do d6 ta c6 ¥ = (T/m)

| +Khidotaco céché{

a=0
:. . b = 1 X = O
i + Gidi hé (II) ta dugc do détacé (T/m)
; + Kl..... b=0

Nhén xét: )

Vi bai todn nay cac em nhén thiy ring phudng trinh chita Y, Y1—x vivaitrochaxval-x
12 nhu nhau nén ta nghi tdi vidc dit hai 4n phy d€ dua phuong trinh ban ddu vé mét phuong trinh
hai 4n ma ¢d thé da vé phuong trinh tich.

l
1 1 L1 N S S

i] +P= + + = b
2a+b+6 2b+c+6 2cta+b 212203 p+Si3 c+dy3

b
pit: x=21p=2:z=5= x,,2>0& x.y.z =1 Khi dé:
2 2 2
1 1 1 i
== + +
21 2x+y+3 2y+z+3 2z+x+3

| Mratacé:x+y22\[x;1;x+122&:2x+y+322(@+ x+1)

= <
2x+y+3 2(@+ x+1)

. 1 1 1 1
Tuongtiytaco: P<— + +
| B 4Lg’xy+\f;+1 1.fyz+\/;+l \fzx+\/;+1]
' E (Nhén ti va miu phan sé thi hai voi Jx ; phan s§ thi bavai 3y )

@Pﬂ—l- ! + \E + \/E
4 \/E+ x+1 ‘\}I;(\/:V;—F v+1) JE(JE%NZH)

1 1 Jx XY 1
P<— P<—
< 4[,/xy+ x+1+1+J1qy+x/x)+«f§+l+q/xy}c> 4

.1
Véy P dat GTLN bang ) xayrakhix=y=z=1lhaya=b=c=2.

e

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/




PDF Séch Luyén Thi Bai Hoc

Ghi nhé& hanh trinh luyén thi Thanh Cong

£

Hanh trinh luyén thi Thanh Cong sé gilip cac em dé dang 6n tap, phat hién 16 héng kién
thitc, ghi nhé nhimg tir khda quan trong. Gilip em on tép nhanh nhéat trong thdi gian nugc rdt.

Cdc em hdy luu lai d€ dé dang én tdp nhé.

"X
& " Nngngcausal | Thugcchddénao
Rut kinh nghiém ai ti nhitng cau sai
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Bai hoc va kién thdic rit ra tlf dé thinay.

L T P T P N T TL L LR L LA L L L L EE LR IR I T LI T T

Ereemamaramarsamesammnararans rmn— e L AL A AN R N TR TR A AR P R L AR R TR AR kb A A
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S P T T LT T T T S PP P TR TN

Sy théa man nim trong nd by,
chit khong phdi trong muc dich dat
duge. No luc cang nhizu, chieh thing
g vé vang.

- Mahatma Gandhi I ant
himg dan tc An By
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.......... . y PR LTI
. to o _' . PR - s . ﬁ:..- S &,&

Cau1(1,0diém). Cho ham s6 y =x"—2x*+3 (C)

Cau2(1,0 diém). Tim gid tri 16n nhdt, gia tri nhd nhit cta ham s6 = x+i trén doan [1;3] .

x
Ddp s6: miny =4; max y=>5
Cau 3 (1,0 diém). |
a) Xdc dinh tip hgp cdc diém trong mat phdng phiic bifu dién s6 phic z théa min z : I| =]
Z+i
Pdp s6: Truc Ox
log x—log, y* =1
b) Gidi h¢ phuong trinh &y B2
log, x—log, y=1
1
Ddp s56: (8;2);[2; —2—]
3 & R x : dx
- (4u4{1,0 diém). Tinh tich phin 1= f : _
"2 COS X(I+e ")
4
T
Dip s6:
N
x-1 _y-3 =z
[ 4

va diém M(0; - 2; 0). Viét phuong trinh mit phing (P) di qua difm M song song vdi duiding
thing D déng thoi khodng céch gitia dudng thing D va mit phing (P) bing 4.
Pdp so: (P):4x-8y+z-16=0,(P):2x+2y-2+4=0.

C3u6{1,0 diem).

a) Giai phuong trinh 2 cos5x.cos3x +sinx = cos8x

Dip s6: x =f-;—+k2.?r;x =—%+k2ﬁ;x :%z+k2?r,(k el)

- b) Cé hai hop mdi hop dung 12 vién bi gém 3 vién bi mau tring, 4 vién bi mau ving, 5 vién
bi mau do. L4y ngau nhién tii méi hdp ra 1 vién bi. Tinh xdc sudt dé 1dy dugc 2 vién bi khong
_C'-lng mau.

47
Ddp s6: —
P S0 0
Cau7 (1,0 diém). Cho it dién ABCD c6 ba canh AB, BC, CD dbi mét vudng gbc véi nhau va AB =
BC = CD = a. Goi C’ va I’ 14n lugt 1a hinh chiéu clia diém B trén AC va AD. Tinh th& tich tich
tii dién ABC’D),
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. , e

: ! Ddp s0: v

Cau 8(1,0diém). Trong mit phdng véi hé truc toa 46 Oxy cho chohai dudngthing d, : 2x— y+5=0
d,: 3x +6y - 7 = 0. Lip phuong trinh dudng thing di qua diém P( 2; -1) sao cho dudng thing
dé ciit hai dudng thang d, va d, tao ra mot tam gide can ¢6 dinh 1a giao diém ciia hai dudng
thingd,, d,.

Dipsé: d:3x+y-5=0;d:x-3y=-5=0
Cau9 (1,0 diém). Gidi phuong trinh: (x* +1) =5 xv/2x* +4
Ddp sé: x= \/E
Cau 10(1,0 diém). Cho cac s8 duong a, b, c thod mén: ab + be + ca = 3.

1 1 1 1
- . ) . -+ <
Chiing minh rang; P

+ <—.
4B (c+a) l+c*(a+b)  abe
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Hay cov de thi s nhu mot lin the that, cdc em hay viet Lo gidi thar cin than
nhé. C6 the s0 trang gidy khong dil, em hay liom va kep vao sdch dé dé dang on
1gp nhé. Hay bam thin gian vis ty thuomg cho mimh néu &t diém cao nhé.

Chiic em th tot!
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PESO 4 80 DE THI THPT QUOC GIA CHUAN CAU TRUC BO GIAO DUL
péthi géml1 trang Mén: Toan hoc
* Kk Thai gian 1am bai: 180 phut, khong ké thdi gian phét dé

Cau1(2,0 diém). Chohamsé y=x"-3x"+2 (O
a) Khdo st va vé d6 thi (C) clia ham sé
b) Tim m d€ trong hai dié¢m cyc tri ctia (C} ¢ mdt diém cyc tri nim phia trong va mét diém

cyc tri ndm phia ngoai dudng tron (S, ):x* + y* — 2mx—4my +5m’ —1=0.

- i ) 1
C4u 2 (0,5 diém}. Tim gié tri I6n nht, gi4 tri nhé nhat (néu c6) cia ham s6 ¥ =Vx + e
x

Cau 3 (1,0 diém).

z+1-
Z+2i

. . T - - n A ] —_ ) 1 i A -~ & A el
a) Tim s phtic z thda man diéu kién |z +2{| =]z ~1 +i] va 12 mot s6 thuin Ao.

b) Gidi phuong trinh log_ (x+2)= log_x

Cau 4(1,0 didm). Tinh tich phan 1= j dx-3¢ cos’x
: s 1+cos2x
= . . . N N 2 x+1 y+ 1 z=7
Cau5(1,0diém), Trong khong gian Oxyz cho cac diém A(5; 5;0) va duong thang d: ==

Tim toa d6 cic diém B,C e d sao cho tam gidc ABC cin tai A vd BC = 2729 .

Cau 6(0,5 diém). Giai phuong trinh 8 (sinl6 x4+ cos® x) +3+/3 sin 4x = 343 cos 2x —9sin 2[% - x] +11

Ciu 7(1,0 diém). Cho hinh chép S.ABC c6 day ABC 12 tam gidc vubng cin dinh A, 4B = a2 . Goi
114 trung diém ctia canh BC. Hinh chiéu vuong goc H cha S 1én mit phing (ABC) thoa mén
14 = ~27H . Géc gitia SC va mit ddy (ABC) bang 60°. Hay tinh thé tich khéi chop S.ABC va
khoang cach tii trung diém K ctia SB dén mit (SAH).

Céu 8 (1,0 diém). Trong mit phang Oxy cho hinh vuéng ABCD c¢6 M 1i trung diém cta canh BC, -
phuong trinh dudng thing DM:x~y—~2=0 va C(3;-3). Biét dinh A thudc dudng thing
d:3x +y—2 =0, x4c dinh toa do céc dinh A, B, D.

(x+vx2+4Ny+\UF+l)=2
12y =10y +2 =235 +1

aS b3 CS

+ +
a* +ab+b* B abe+e’ P tac+ad

C4u 9(1,0 diém). Giai hé phuong trinh:

Cau10(1,0 diém). Cho a,b,c>0: =1. Tim gi4 tri 16n nhit

cta bifu thitc: S=a+h+c.
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LO1 GIAI CHITIET VA ONTAP

*TXP:D=R
* Su bién thién
+ GiGihan: lim y =+, Hm y=-o

+ Chiéu bién thién

x=10
x=2

y'=3xz—~6x,y‘=0<::>f‘w~c2 —6x=0@|:

l‘| Ham s6 déng bién trén méi khoang (~w0;0) va (2; +00), ham s6 nghich bién trén khoang (0,2)
+ Cyc tri:

Ham s dat cuc dai tai x = 0 va gid tri cic dai bang 2

Ham s8 dat cuc tiéu tai x = 2 va gid tri cyic tiéu bing -2

-+ Bang bién thién

a X | oo 0 2 o
| y' + 0 + 0 +
2 oo
Y
] _2

* P45 thi

+ Giao vdi cac tryc Ox, Oy: 4
(1,0),(1-+3;0),(1+3;0),(0;2) | +

1.b 5

+ (C) c6 bai difm cuc ti & A(0;2), BZ—2)
va dudng tron (S, ) 6 tAm I(m;2m), bankinh R =1 +

4= [0-m) +(2-2m)’ =5n" —8m-+4 — >

B=JQ-my +(-2-2m) =J5m’ +dm+8= 5 m+ [+ P1=R

2
= 5{m+3] +§~6— >1=R
5 5

— diém B niim bén ngoai dudng tron (S,,)
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+ Dé trong hai diém cuc tri cta (C) ¢6 mét diém cuc tri nam phia trong va mot diem
ctic tri ndm phia ngoai dudng tron (3.} thi di€m A phdi nim phia trong dudng tron (S.)

> IA< R e 5m? —8m+4 <

o 5m' -8m+d<le 5m2—8m+3<0<:>§<m<1
Nhén xét:

VGi bai todn niy cic em nhan thdy rang do [B > R nén diém B ndm phia ngoai dudng tron
(5.) nén &€ hai diém A, B ¢6 mét di€m ndm bén trong va mot di€ém nam bén ngoai dudng trén
(S.) thi cin di€ém A nim bén trong (5,) < I4 < R . V4i bai todn t8ng quat cic em ¢d thé dua ra
diéu kién (IA-R)(IB-R} <0,

P TXD: D=[0;+ )

+Dit Jx=¢, 120
+ Khi dé ham s trd thanh: y = g(z) =r+L

. £+ 21 ot
g'®)= 5
(£+1)
2 t=0 (T/m
g=0e EFE gm0 (VW
(_g +1) t=-2 (Loai)

+ Bang bién thién

i 0 “+ oo
y 0 +
y +oo

+ Tit bang bién thién suy ra: ﬂ@.‘}jj}]g(f)“l khit:oﬁf‘?ﬁ?}yﬂ khi \/;=0<:>me;

Khong ton tai Maxy
Nhin xét:

Véi bai toan tim min, max c¢fa ham s6 {(x) trén mot khodng hodc niia khodng em cdn thuc
hién cac budc sau:

- Buide 1: Tinh dao ham f’(x) va giai phuong trinh £'(x) = 0 tim cdc nghiém X

- Budc 2: Lap BBT clia ham s6 f(x) trén khodng hoac nita khodng tiong ting

- Bide 3: Tl bang bién thién két luin min, max ctia ham s6.
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+Gldst z=x+yi, (x,yeR)

Tacé ;z+2f|=|2_1+;-|@\/x2+(y+2)2 = Ja =1+ (1) < x+3y+1=0

z+1-i x+1+(y-1i _[x+1+(y—1)z'][x—(2—y)i} Aty +x+3y—2+2xy—3x+y—2i

742 x+(2-y)i ¥ +(2-y) X +(2-y) X+ (2-p)
+ Tu gid thiét ta c6 hé phuong trinh
(x=2
¥ -y +x+3y-2 y=-1
?,j J: =0 =y +x+3y—-2=0 7
x*+(2-y) i | x=—21
x+3y+1=0 4
x+3y+1=0 )
e

, . ‘ : 7 1.
+ 86 phiccdntimla z=2-1, z=—E+E1

Nhin xét:

Day 1a bai tip tuong d6i co ban clia $6 phiic, véi bai todn nay cac em cén thén trong trong viéc
thuc hién cac budc sau:

+Gidst z=x+yi, (x,y€R)
z+l—1':xg—y2+x+3y—2+2xy—3x+y—2f
" Z+2i F+2-yy X +(2-y)

{x=2

X =y +x+3y—-2 y=-1

PN Y IV
x+3y+1=0

+le+2=|z-1+i e x+3p+1=0

+ Tt gid thiét c6 hé phuong trinh

~ . 7 1.
+Kh5ngd1nh86 phﬁccﬁntim z=2-1, Z:“Z+Z£

m 3b
+PK: x>0
+Ditlog. x=t=>x=5 . ;
5 1
+ Phuiong trinh tr thinh log,(§' +2) =1 <> 5 +2=7" @(5] +2-[;] =1 ()

+ Ta thidy VT(*) la ham nghich bién = Phuong trinh (*) ¢6 nghiém duy nhat t = 1
< log, x=1=x=5 (T/m) -
Nhan xét:

Vi bai todn nay khi quan sat vao biéu thic cho trong phuong trinh cic em dinh hudng
ngay dugc viée st dung phuong phap dit 4n phu d€ giai chung. Céc em c6 thé thuc hién phép dat
log, x =1 hoidc log,(x+2)=1.
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1

1 2

= iélx 3e” cosxx:i 2x d—éiexdvzf—f

2cos’ x oS~ X o
+Xét I, ﬁj
cos’ x
. u—2x du = 2dx
Dat dr =
dv = v=tanx

4d (cos x) T

COS X 2

Zln]cost‘* = —+21 [f}

1)

I £

Nhén xét:
Véi bai toan nay cdc em quan sét biéu thiic dugi ddu tich phén thay ti cé biéu thiic cos® x
con miu 12 biéu thic 1+ cos2x =2cos” x nén ta bién d6i tich tich phan trén thanh hiéu cla hai
tich phén 1,,1,.

Tinh T, = | 2%y bing phutong phip tich phin ting phdn = & = %+ 2In| Y2
+ Tin Ilzjmdx dng phuong pnap tich phan tung phan 1= 3
1

T

+Tinh I, = -;-(ez - 1} .Tidosuyral

+ Pudng thing d ¢6 véc to chi phuong u=(2;3;-4)

+ Goi H 13 hinh chigu vudng goc cha A lén dudng thing d. Do H thudc d nén

H(-1+2t-1+3t7—4t) |

AH = (~6+21t;~6+31;7 - 41)

AHld © AHu=0o2(-6+20)+3(—6+30)-47-40) =01 =2 = H(3;5,-1)

+ Vitamgidc ABCcintai AnénHl& trung diém cta BC. Bthudc dnén B(—1+25; -1+ 36;7 — 4b)
= C(7-2b;11-35;-9+45b)

+ BC=2v29 < BC? =116 & (8 - 4b)’ + (12— 6b)’ +(8b-16) =116

< (8—4b)* +(12-6b)' +(8b-16)" =116 < (2~-b)’ =1@[bm3

+ Vi b=1= B(;2;3) = C(5;8,-5)
+V6i b=3= B(5;8,-5) = C(1;2;3)
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Nhin xét:

Véi bai todn ndy cic em cin thuc hién dugc cac budc sau:

+ Goi H [2 hinh chiéu ciia A lén d nén H 1 trung diém BC ( Do tam gidc ABC can tai A). S
+ B thude d nén B(—1+2b;—~1+3b;7—4b) => C(7-2h;11-3b;-9+4b)  Sit dung diéu kién
h=1

b=3

+V6i b=1= B(1,2;3) = C(5;8;-5)

Vii b=3=B(5;8,-5)= C(1;2:3)

BC =229 @(2—5)2:1@{

+ Phudng trinh tucong duong 8(1 —%sin2 2x] +343sindx =33 cos2x —9sin 2x+11
o 3cosdx + 3/3sindx =33 cos 2x—9sin 2x+6

& (33 sin4x - 3v3 co82x) +3cos 4x + 9sin 2x —6=0

< 33 cos2x(2sin2x—1)—6sin 2x +9sin 2x -3 =0

& (2sin 2x — D)(+/3 cos 2x —sin 2x +1) =0 r -

dx=2 4 kdx x=" wkn
6 12
Sin 2x = Sin2x = 2x:%r+k2ﬂ: xzs—;rJrk;r
A = . | @ & L
J3cos2x—sin2x=-1 sin(Zx——Jz—— 2x-Z_Z iR x=2kr
3 2 3 6
7
2 B ko | w= Ltk
R 12

Nhén xét: V&i bai toan nay cdc em cén bién déi biéu thuc _
8(sin® x+cos® x) =8 1—3:3111:12 2x] =3cosdx+5 trudc. IKhi dé cic em nhdn thdy rdng phuong |
trinh & dang tdng qudt asin +bcosz+csin2¢+d cos2t+e=0 v6i ¢ =2x nén ta sé dua phuong
trinh trén vé phuong trinh tich (2sin2x - 1)(\5 cos2x—sin2x+1)=0.

+Tacod 74 = -27H = H thudc tia d6i clia tia IA va Jd =27H,
BC = ABN2 =24

Suy ra IAza,IHz%:AH:[A+1H=37a
+ Taco
HC? = AC* + AH? ~2AC.AH .c08 45° 2>HC=~»—~—Q\2/§ S -

Vi SH L(ABC)=(SC,(4BC))= £S5CH = 60’
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QY A

a15
2

= SH = HC.tan 60" =

+ Tacd

a3
2

HC? = AC* + AH?* —2AC.AH .cos 45" = HC =

a15
2

Vi SH L (4BC) = (SC,(4BC))= £SCH = 60° = SH = HC.tan 60° =

o 1 15
Thé tich khi chép S.ABCD 1 ¥4 ssc = Saanc-SH = ¢ ‘6’!_

(dvit)

n {B”AHsﬂu(SAH) :;,M:g,:iz d(K,(SAH)]:ld(B,(SAH})leI:E,
BILSH d(B,(S4H)) SB 2 2 2 2
Nhén xét:

Véi bai toan nay cic em can thyc hién dugc cac bude sau:
. | 1 1
+ Khang dinh ¥ ;- =%SWC.SH, Sanc :EAB'.AC =5 2.aV2 =a® (dvdt)
_ | :
+ S0 dung dinh Iy cosin trong tam gidc AHC tinh d6 dai HC = a2

JET

+ Stt dung hé thiic lugng trong tam gidc SHC tinh d6 dai dudng cao SH = HC.tan 60° = Nz
Tit 6 suy ra thé tich khéi chép S.ABC. | ?
+ Pé tinh khodng cach tli diém K dén (SHA) cdc em chuyén vé viéc tinh khoang cich tit diém
B dén (SHA) thi sé dé tinh hon { Vi ta thédy ¢6 mit phing (ABH) chita diém B v4 vudng goc véi
mit phing (SHA)). Cu thé:

d(K,(SAH)) _SK

1
d(B,(SAH)) SB 2

= d(K,(SAH))= %a’(ﬁ,(SAH)) ;%B{ :% :

d:3x+v-2=0

A B

X-v-2=0

C(3:;-3)
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+Goi A(t;-3t+2).Ta c6 khodng cach:

Mzﬁgtziivt:—l

2o 2

d(A,DM)=2d(C,DM) <
hay A(3;-7)v A(-L5).

+ Mt khac A,Cnim vé 2 phia chia dudng thing DM nén chi cé A{~1;5) thod min.
+ Goi D(m;m—2) € DM thi AD =(m+1;m~-7),CD = (m—3;m+1)

mm:{] m=5vm=_1
=
DA =DC (m+1)"+(m~7)" =(m-3) +(m+1y

+ Do ABCD R hinh vuéng = {

S m=35

Hay D(5;3), AB=DC = (-2; -6) = B(~3;-1).

+ Kétluan A(-L5),B(-3;-1),D(5;3)

1| Nhin xét:

I Voi bai todn nay gia thiét bai todn cho toa d¢ diém C, phuong trinh duéing thing MD va diém

. A nim trén duong thing d nén cic em nghi ngay téi viée tim toa do A bing cich goi toa dé A theo

| tham s8 t, tim méi lién h¢ gitia khodng cach tli diém A t6i DM va khoang cach tit diém C dén DM

tit 44 thiét lap phuong trinh tim tham s8 t. Khi d6 viéc tim toa d¢ cdc diém con lai s& don gian.

! + Khéng dinh duge d(A,DM) = 2d(C,DM)

i _ t=3
+Goi A(t;-3t+2)ed. Tit diéu kién d(A, DM} = 2d(C, DM) = |:t |
= A(3;-7)v A(~1;5)

+ Loai di€m A(3;~7) dya vao difu kién hai diém A, C ndm v& hai phia ctia dudng thing DM
DA.DC =0
=N

i + Goi D(m;m—2) e DM. Si dung diéu kién ABCD 13 hinh vuéng = N
s DA =DC

m=5=D(5;3)
+ AB=DC=(-2;-6)= B(-3;-1)
+ Kétluan A(-1;5),B(-3;-1),D(5;3)

K (x+ﬁ)(y+m):2 &

12y —10y+2=23¥"+1 (2
+ Phuiong trinh (1) tuong duong

x4yx* +4 =2(\/y2 +I—y)c:>x+\/x2+ =-2y++/(=23) +4 (3)

‘ +Xéthamsé f(O)=t+vti +4, teR

{ :
f@®)= I+—2—ﬁ >0, Vit e R= Ham s {(t) d6ng bién trén tap R
£+

+ Khi d6 phuong trinh (3) trd thanh f(x) = f(-2y) S x=-2p < p= “;“ @)
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+ Thé (4) vio (2) ta dugc 3x2 +5x+2 =235 +1 = 32 +3x = 2.[%/;& 1 —(x+1)]

<:>3x2+3x{1+ 2 ]—0

—6(x” + x)
Yo 1) + @+ DV +1+(x+1)

e +3x=
YO+ 17 + e+ DR + 1+ (1)

2
P+ (DY + 1+ (x+1)]

3 3x+3x=0 (Do l+ >0 vdi moi x thudéc R )

x=0=y=0
=

I
x=—1l= y=—
772

+ KL: Hé phuong trinh c6 hai nghiém (0;0) va [—1;%).
Nhin xét:

Vi bai todn nay khi quan sat phuong trinh (1): (x +x + 4)(y +qyyt +1 ) =2 céc em nhan
thdy ring c6 thé thyc hién phép nhén hai vé cla phuong trinh d6 véi mét trong hai biéu thiic
lién hop tuong dng sé dua phuong trinh trén vé phuong trinh x++vx* +4 = 2(\/ yiel- y) ma
phttong trinh ny ¢6 thé st dung phuong phdp ham s6 véi him dic trung f(1) =7+ Vi +4, te R

+ Ngodi ra cac em c6 thé st dung phép nhém lién hgp tit phiong trinh

22
x+\/x2+4:2(\/y2+1—y)@x+2y=2\xy2+l“\flx2+4¢>x+2y: t X

2\/3;2 1+ +4

< (x+2y) zzy‘x ——1|=0
2\Xy +1 4 +4

Cau 10 G PR

’ 2 - + B(a+b b(a+b I 2 1
: @ 2___a(as +al;+b) a;b(a b)za_ Zz (a+ )zza—q (a+ )=a——(a+b)=—a——b
a +ab+b a +ab+b a’ +ab+ b 3ab 3 33
3- 2 1 3
Tuiong ty b >—b——c;c—>zc——a;

B +be+ct 3 3 Arac+a’ 3 3

a b c 1 1
+ + z{a+b+oy1z2—(a+b+c)oat+b+c<]
a’+ab+b P +be+dd Frac+ad’ 3( ) 3( )

+ =

<> 8<3
+ Suy ra gid tri I6n nhat ctia bi€u thlic S1a3khi a =b=c=1.
Nhén xét:
4 B o
Vdi bai todn nay khi quan sét vao biéu thuic diéu kién + + =1

at+ab+bt P ibe+dd P rac+d

cac em cé thé nghi ngay tdi viée sit dung ki thuidt Co si nguge ddu dé danh gid a+b+c<3.
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?;f Ghi nhé hanh trinh luyén thi Thanh Céng

Hanh trinh luyén thi Thanh Cong sé gitp cdc em dé dang On tap, phat hién |6 héng kién
thirc, ghi nhé nhiing tir khda quan trong. Gitp em on tap nhanh nhat trong thdi gian nudc rat.
Cdc em hay luu lai dé dé dang 6n tdp nhe.

S6 AiBM At QUOC corsrerrravseemseemend 10

Rut kinh nghiém gi tit nhiing cau sai

e nnnarn e e m bbb b R I AT DA T AR AR AR A e s LR R R PR e AR D R e e e e e A AR LR BRI LR LL ISR L I IR IR by

P PP TR T L L r R L L L L L L e L R L L L L L b

TR P T T T TP TP P
T R o TR Y YT PRV T PRSI T R PR LT PR PP Iy L LT T E T IR E O PP E T YT T I L LT
....................................... T P P P P T R P P P PP LT P PP CE TR L L R LU R RRE L LR

[ P T LT L LT PR P P T T PP PP PP T O P Prnrrarprinans T P PP L L]
L T P P T T TP T R TP TR R T e PR PR RO L LR EE T P T TP P
.............. O P PP g T P T T T T R T TR Y L PR LR e TN L CL PR PR E R LT an rrae rmemm—— FEPSPPTIRTTRPRITIIT I LT

. e P T [ PEY VTR CR T LI I L T LT PP T P L PP E L L e PR PET RS T T T LT PP I RIS L L P T T P LI E UL B R
........................................... e B Ry P T LI I T F T PR P E PP RV LR L IR EL LI AL
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L T L R T T L T T P T R P T P T P PR TR T ]

EOITTITN

PPTIILLLIE LT IR

[CL XL R LT RN Y YR YT TTIT S

PP TYPTS YT T

L L T T T T L

T mrnan L T T P T T T P P T ] R T PPy
bR E o EE B AN bbb b A BB Hd ke B 4 B A E AR Fad B4 BRI b Akl ba s s smm s ram e AT b b TR bR Ay e mrammmmaam T P PP S T T L T PSP PP P PP

Bai hoc va kién thuc rit ra tir dé thi nay.

Prrarantnrasna

T

T IR e e T I R IR T LIS

T T R I T T T T T T L R PP R R R L LR R L R R LR L R LR L R LR L IR r T o

R A R TR TR A R RN AN ARk bR AR N E R A d R N AR A A iRt DR LERLE B R Rdde b banmmn bhmbnar s sadmndddddbbdanddobirbnninbnrrranesarenrsy

BT T T T T T Py P PR

S LR T e b 4 R AN R E AR E A d b T kb ramm mm s mmn s mmm e ma . R B T L L T T T T P PP PP PR P

YR TTIY PRI T

EIETTIT TIPS Armmrean ER Y Py T P N I A P PR L PP PP PP

A D T ot A g R R R U R P B E S E M N BRI R R AR E bbb b b rmm o mmr s nm e bn sl A d 0 BRI BB A hmh pm e po o s B R R AR R R LR AN SRS RAEE NN R RS

R T Ty T R T TP TP P T Ty TE T PR T T PTR PR T PPy e

L P E T T T LT 1 T b I b I b b n a4 T B Bt T B L BBy dn o g e o m e et e a8 L m A R BN E R N b+ BB N B BN P d P4l B I RN P4t hhrh cmm ks drammra s an s abmmbddddman mnanpns

L T T P P P LT PP PP LT TP PPE PR

PR Py R T T TR TP PP

T L L B B P P P P P R Y

R R L L L R R R DT T T T T R E R L L R L L Lt Ly L T T P P P T T PP T PP PP PP R,

B R D P T B T T T e P P P RS “

Nauwt lac quan luon nhin théy co hoi trong
moi haéhn nguy, con &é bi quan luon nhin thiy
hidin nguy trong mot «o hde.

- Kharyét Danh
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TR *» (1,5 diém). Cho ham sé y=x* —3mx*> +3(m’ -Dx—m’ +m (1)
a) Khdo sat sy bién thién va vé d6 thi ctia ham s6 (1) ung véi m=1;

b) Tim m d& ham s6 (1) ¢6 cic trj ddng thoi khoang cach tit diém cyc dai clia d6 thi ham s
dén gbc toa Ao O bing V2 18n khoang cach tit diém cyic tiéu ctia d6 thi ham s6 dén goc toa do O.

Bzipsé’- m=—3~2f m=-3+242 .

Dip s6: é{m) S(x)=-3,vakhong c6 gid tri 16n nhit.

CTER » (1,0diém).
a) Goi 2.2, 13 cac nghiém cha phucng trinh 227 +4z—11=0. Tinh gié trj biéu thic

AR
’ i1 (z, + 22)2 .
Ddp s6: —
4
b} Gidi phuong trinh log, (1 +x ) =log, x
Dip s6: x=9

S . i
RELER * (1,0diém), Tinh tich phén I= ’[(x"" sin x* +1£~)dx
+X

(1,0 di em) Trong khong gian Oxyz cho cdc diém A(2:-1;0) va dudng thing

YLty toa d§ cdc difm B,C € d sao cho tam gidc ABC vudng can tai A.

3 -1

"Gu 6 QAT dié’m). Giai phuiong trinh ‘E LAHISI2X ) R oot x +1)
Cos“ x sin2x

[EHE » (1,0 diém). Cho hinh chép S.ABCD c6 déy ABCD la hinh thoi ; hai dudng chéo AC =
2+/3a BD = 2a v cit nhau tai O; hai mit phing (SAC) va (SBD) ciing vudng goc v6i mit phing .
(ABCD). Biét khoang cach tif diém O dén mit phing (SAB) bang V- 3 | tinh thé tich khéi

chép S.ABCD theo a. 4

3
Dips6: v, . = \Ea (dvtt)

LEER » (1,0 diém). Trong mat phing toa do Oxy cho 3 duong thing d,:x+2y-6=0; ]
d,:x+2y=0 va d, :3x— y—2=0. Viét phuong trinh duong tréon (C) c6 tdm I thudc d,, cat
d. tai A va B, cét d, tai C va D sao cho tif gidc ABCD 12 hinh vudng.
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-y +3yt-3x-2=0
P aN1-x =32y~ 4 m=0

c6 nghiém thyc

Daps6: -1<m<2

(2 +2)-(< )
(x-Dy-1

mb (1,0 diém). Cho x;y eRva x, y > 1. Tim gid trj nhd nhit cla P =

:  jx=2
Pdp sd: minP =8 khi {y=2

gy
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Hay cov de thai site nhae mot Iin thi tht, odc em hay viet i gidi that cdn than
nhé. C6 the 50 trang gudy khong dit, em hay lim va kep vao sich dz dé dang on
tap nhé. Hay bam thin gian vi by thing cho mink né dgt diem cao nhé.

Chiic em the t6t!

LTI T [T . L T YT I T T PTTT PP PR P P R R TR YRy [T
L YT L ITT T brttrtbrar Tt e R TR AT Y trrsurkiirRda T E I s Ty BT [Rr
............... s P FITTTITTPN eI
........................................................ EELTTPTLITPIT [T ' * e -
[TTITP T T T T T L LITL LT FL L PP PP PR - et
LT B T T T F T LT L TT P LT T T TP rasrsasrras
T P T T P P T T T P P TP PPE P T P r PP T PP PTT T PIT R PETT PA e LITEE T T T T T PRI T AT truan
raangaapaan FITTTPTFr TP T T LT T P PP T e Pr Y LT TR T R T PP e et
................ ITTTCIIII LTI rarerraarrnarnas [T raeean PPTErrer T FIPTPITP PV EN
B T T P e T T T T P T PP PP P P P PP PO PP TR PT PP PT T T T T I T T TLLTITTTT I trvar
............................................ [P FTTTTrTre T R T T PP PR PP PP TIPSR
L T PP PP T YT T T T IR IT TP I T P P PP PP
.......... e [ITTTYTIT T FITTET T IC T TR P e [TTIFLTTIT LT T T P P P P P PP PP P PP TP PPN PPy
...................................................................................................................................................... LI T PP P PP T
T T T P FYT PPN B T P T TYT T FPIT
T T T P P T PO P P P T P P B T P P
................................................................................................. FTLTT T TR TP R PR
................ . Fyere B T e [YTTTTIrN L T e
........................... [T [T A B A I A H A A B AR B d m b d b dd bk rdm b mm e m s R P P P PR T PR AT IR R4 AR SRR AR
ETLTT T trmnt EraEEraErraEEEraEEE aaRdrarRInE [T PP T TP B P fradmiane FTTIN
L T PP PP PP P P LT P e v PR
FErivERTAER LI R R RS A e P PP A TR TN AR AR A RE AR TR [ITTTIeTTS
- rerarns BT P [ITTTITTYS L TP A
T T Y L Y P S
---------------------- L T T L T P P P P P P Py [TTTPITrrS LI
----- EE Tt AT R v e R FITTTPrT A T 8 T LA 44 e P a N T P PN E N NP AR bR AR Rdd R R Frdun by FTLITT T
.................... B T T L T R T P Feavrriaae anmranrran
..................................... T T T P [TETTTTFr P
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PESO5 BO DE THITHPT QUAC GIA CHUAN CAU TRUC BO GIAUL wuc l
Pé thigdm 8 trang Mén: Toan hoc
* e k  k Thai gian lam bai: 180 phut, khong ké thai gian phat dé

-1
C
2{x+1) ©
a) Khéo sat va vé d6 thi (C) clia ham sd.

Cau1(1,5 diém). Cho ham s§ y =

b) Tim diém M e (C) sao cho tiép tuyén clia (C) tai M tao véi hai truc toa do mot tam gide cd
trong tim ndm trén dudng thing d:4x+y=0.
Cau 2 (0,5 diém). Tim gid tri 16n nht, nhd nhit ctia him s6 y=va* +2x+4 +x* —2r+4 trén doan [o;ﬂ

Cau 3 (1,0 diém). _ -
a) Tim s phic 2 théa man: w =] -
+i

b) Cho n 14 s6 nguyén duong théa min C2° —C?, =C._.C27. Tim hé s6 clia s hang chiia

3

3x

Yx—x> +2016x

:‘ Cau4 (1,0 diém). Tinh tich phan I= | : dx
1o 7

: "
i H

Vi . r AT 3 -8

i x'" trong khai trién x (x” —MJ .

X

(Shx® +3" +2° - 2x—4y+4z-16 =0 (P): 2x + 2y + z - 3 = 0. Viét phuong trinh mit phing

1o 3
‘5 F Cau 5 (1,0 di€m). Trong khong gian Oxyz cho mit cdu (S) va mét phang (P) 1dn lugt c6 phuong trinh:
i (Q) song song v6i (P) va cit mit cdu theo giao tuyén la dudng trom ¢é dién tich 167,

Cau 6 (1,0 diém).

a) Cho sina = 0,8[% << ﬂ'].Tinh coScy,tanc, cotey,

b) Cho tap E ={0,1,2,3,4,5,6}. Tl cic chii s6 clia tdp £ 14p dugc bao nhiéu s6 ty nhién
chan gom 4 chi s6 d6i mot khac nhau,

Cdu 7 (1,0 did@m). Cho hinh chdp S.ABC c6 day ABC 1a tam gidc vudng tai A,BC=2AC=2a. Mt
phéng (SAC) tao v6i mit day (ABC) mét goc 60°. Hinh chiéu vudng gdc clia S 1én mdt phing
(ABC) 1 trung diém H ctia BC. Tinh thé tich chép S.ABC va khodng cich gitia hai dudng
thing AH va SB.

Cau 8 (1,0 diém). Trong mit phing toa do Oxy cho dudng tron (C): x>+’ = 25 ngoai tiép tam gidc
ABC nhon, M(~1;~3), N(2;-3) lin lugt 13 chin dudng cao ké tii B va C. Tim toa do cdc dinh
ctia tam gidc ABC biét diém A c6 tung 46 4m.

f. ‘ Cau 9(1,0 diém). Giai bat phuong trinh: \/H— vx'—x? 2 x-1

| Cau'10{1,0 digm). Cho cic 56 thyc duong *»:2 théa man v+ +2=3,
' Tim gid tri nhé nhét cha biéu thic:
4 = dx . 4y . 4z
1485 +4x-2) 2021182 +4y-2) x(2\148% +4z-2)

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/




—

>

PDF Séch Luyén Thi Bai Hoc

LO! GIAICHITIETVAONTAP

| _ m& La

«TXD: D=R\{-1}

* Gy bién thién

+ Gidi han, tiém cén:

lim y= % = Duong thing y = % 14 tiém cén ngang cia d6 thi ham s6
z—po

lim y=+00, lim y=-w = Dudng thing x = -1 1 tiém c4n diing clia d6 thi ham s&
x-=1*

x——1

+ Chiéu bién thién

1
= > 0,Vx e (—m;~1) U (-1;+wo
y g ( Yo( )

Ham s6 déng bién trén mdi khodng (—oo;—1) va (-1;+w)

+ Bang bién thién

X | —oo -1 Foo
y' + +
1
+o0 =
2
y
1 _
2
_ . *Dothj
© +GiaovéiOx Oy: [0;—1),(1; 0)
I ’ }
g ]
Fd 2--
ic
th - T
..... 1 -(5 T 1 T 1 1 é"
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+Gol M| x; %=1 11 digm thude (C) can tim
2x, +1)
Phuiong trinh tiép tuyén ctia (C) tai M la: yz“-'"l_(x—X)‘f‘ %! (A}
8 Py Y T Y T g+

+ Goi A, B 1an higt 1 giao difm clia A vdi cdc truc Ox, Oy khi d%

y _x§+2x0+1.0 B 0x§ 2x, -1
2 )y 2(x, +1)°

Goi G 14 trong tim tam gidc OAB = G(

—xp +2x,+ 1 xg = 2x) -1
6 T o6(x,+1)

—x +2x, +1 +x§—2x0~1:
6 6(x, +1)*

+ Theo gid thiét G thugc dudng thang d nén taco = 4[

| 2
S0 U DI R JOY PN
o (xp = 2x, ){6(x0+1)2 J

x0:1+\/§:>M[1+JE;—‘%-_—1]

X, =1~\5:>M{1—ﬁ;_\€_11

Nhén xét:
Véi bai todn niy cic em viét phuong trinh tiép tuyen clia (C) tai diém M c6 hoanh &6 *

thudc dé thi (C). Tii gia thiét thiét 14p phuong trinh mt &n %o 1it &6 giai phuong trinh tim %, Cy
thé cdc em can thuc hién ¢dc budc san:

. . . X, —1 1 xu_l
Phuong trinh tiép tuyén cia (C) tai M| xp;—2—— |1 y =———=(x—x,) + (8)
+ ng trinh tiép tuyén ciia (C) tai (xo 2(x0+1)J (ot )2 26,11

—x2 +1 2_2x,—1
+ Tim toa d6 giao diém clia A va Ox, Oy: 4 {—x‘lj-;i—;(]} B [(};%—(—xu)— tit do suy ra
—x§+2x0+1.x§—2x0—1] 5

. S clia tam.gidc OAB.
X, +

toa dd trong tam G{

ﬂx§+2x0+lj+x§w2xo—l

L] :3 A Y 5 ] 4
+ Sit dung gid thiét G thudc dudng thang d= ( 6 6(x, +1)°

+Giéiphu0ngtrinhsuyraM(r%;—EJ,MF 1} [1 J_\/_ } [ o2 1]

2 2710

+ Ham s6 lién tuc trén doan [0;%}

1 x+1 x—1 x+1 x—1
= + . y':OC} + :0
\/x2+2x+4 \/x2—2x+4, Jx2+2x+4 Jx2—2x+4
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o (VR =2x+4 = (- xWx" + 2x +4 < (x+ Dy (L x)? }3 =(1-xW/(x+1)? +3

o @+ A=) +3]=(1-xP[x+1)’ +3] (o (x+1)>0,(1-x) > 0 Wx e[o;l})
o+ =(1-x) © x=0(T/m)

+ y(0)=4 J{i] V13 +21

2) 2

2

1
+ Suy ra GTLN ctia ham s6 la -—-\/E—%{%—l khi x=5, GTNN clia hAm s6 a4 khi x=0.
Nhén xét:

Day 14 bai toan tim gia tri 16n nhat, gi4 tri nhé nhat cia ham s8 trén mot doan cic em cin
thyc hién déy du cdc budc sau:

+1 -1
+ Tinh dao ham ctta ham s6 y'= * + *
VP +2x+4  Jxt-2x+4
+ Gidi phuong trinh y'=0< X+l x1

+ e = () im nghiém x =0 (T/m)
VX +2x+4 P —2x+4
+ So sanh cac gia tri J"(O)—*—4;y[1) J13 4421

5 5 suy ra gia trj 16n nhdt, gia trj nhd nhét cla
ham sd.

Ngoai ra cac em cé thé l4p bang bién thién tit d6 suy ra gia tri 16n nhdt, gia trj nhd nhdt cla
him sé.

y Fo |
.Cu +Gid sl z=x+yi, (x,yeR) 1
(A) e 20307 _ i+ yi) =(1+30)0x—yi) _ (~x—4p) +(y~2x)i
1+ 1+ 1+i.
yra - [(—x—4y)+(y—2x)i][1—i] _ —3x-3y : m;rc+5y!f
2 2 2
+ Tti gid thiét ta c6 hé phuong trinh
_{x:O
: —3x—-3y 2 2 y=0
) ——— = x4 2 _
Noc 2 o 527 418y =0 _ o as
> 5 ,
YT 26

45 9
+ S8 phtic cdn fim 12 z=0, z= -
O phtic cAn tim 13 z z Y 261

Nhin xét:

V6i bai todn nay cic em cin thuic hién cac bude sau:
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+Gias z=x+yi, (x,ye R}

+ Tit gid thiét suy ra h¢ phuong trinh

_{x=0
— _ =0
3x2 3y:x2+y2 y
s &L xz_ii
R 26
2 9
YT e
+Két1u@n:z:0,z=_g£_%g
m 3b 6 26

+DPKneiN,nz=3
nl (n-D)! __(n=D! {n+3)!
3!(n~3)! 2!(n~3)! 1!(nm2)!'1!(n+2)!
<:>n(m—l)(n—Z}_(M!—l)(n~2)z(nml)(n“i&){:_}n(n—Z)__(MMZ):
6 2 6 2
n=-1 (L)
n=12 (T/m)

+CrP-c =

el

ni2
Oy <

n+3

<:>nz—2n-3(n—~2}=6(n+3)<:>n2—11n-—12=0<:>[

12 k k
+Véin=12 . Y S 4_12 _ e CF (Y _12 _ = C* _12 51-5k
in=12tacd khai trién: x| x 3 =X E lz(x} _Z: 5 x

X 3x =0 3

de=I}
+ Hé s6 clia s6 hang chita x'' trong khai trién ting v6ik théa man 51-5k =11« k =8 (T/m)
8
TP S () 7

+ Vayhésécantimla C), (?J
Nhén xét:

Kién thiic cd ban cin nhé:

n!

kN n—k)! ,
v Céng thiic khai trién nhj thiic niuton: (@ +5)" = Z Cra""b*

k=0
V6i bai todn nay cdc em. can thyc hién cdc buée saw:

+ Dit diéu kién xac dinh cta cac biéu thiic t6 hop: n € N,n>3

v Céng thic t6 hop: C;

n=-1 (L)
+ Tt gid thiét C27 —C2, = C._,.C)"} gidt phuong trinh tim n: 1:” 12 (T/m)
12V & 12y
+ Véi n tim duoc viét khai trién: x° (x“ —-j—] - Z Cf‘z.[~?} X
X fe=0

+ Tim hé s6 cha s6 hang chita x'' trong khai trién: 51-5k =11 < &k =8 (T/m).

12y
Hé s6 cin tim C?z [?)
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1 3 3 1 3 3 1
—x® +2016 - 2016
+I:I XX xdx=.[~i-—zc—~dx J.—dlel+12
1 x* 1 X 1 x>
3 3 3
1
* Xét 12:j20§61x: 10208| = 8064
I x |
3
1 3 3 1
X—Xx 1 dx
«xét L J:—dxx4 :,[3—2—1x—3
3 3

+Dat ‘3/%—1 =t:>—1T—1=Z'3 = :g—dx =31*dt = @3=~332dr
x X X X 2

1
Péi cin: x=§:>f=2, x=1=¢=0

=—6.Suyra [ =80064 -6 =8058

Nhién xét:

Vi bai todn néy chc em phén tich tich phin ¢in tinh thanh téng cGa hai tich phan 1,1, v6i:

dx
T ! W P}
: 3

Vi tich phan vo ti ndy cac em st dung phuong phap déi bién s6

/m) 3%, 34 [
LIPS B mﬁ—_S;dfvachuyentlchphanthanhl —“Z”If dx=—‘“§‘ =—6
x x © 2 D D

1
L j—dx cac em sU dung cong thiic bang nguyén ham
1

= 8064

x

|

] 2 ]008
LI
B

+Tit d6 suy ra I=8064—6==8058
e
+ Mit cau (§) c6 tam I(1;2;-2) vabinkinhR =5

+ Do mdt phang (Q) song song v&i mat phing (P) nén (Q) c6 phuong trinh
2x+2y+z+m=0, (m=-3)

+ Goi J, r 14n lugt 13 tAm va bdn kinh clia dwdng tron (C) 1 giao tuyén clia mit phing (Q) va
cu (§)

Dién tich dudng tron (C) bing 167 nénta cé 7’ =16 < r =4

2.1+42.2+(-2)+m| |4+ m) m=35 (T/m)
S U=vR* -+* =3 d(,(Q)=3 | =3 & — =3
» = dI,(Q)=3< \@ = = m= 13 (T/m)
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+ VAy c6 hai mit phing (Q) thda man bai toan 14 2x+2y+z+5=0, 2x+2y+z

Vi bai todn nay cac em can thyc hién cac budc sau:

+ St dung mit phéng (Q) song song vdi mét phing (P)= (Q): 2x+2y+z+m =0, (m#-3)

+ Sit dung gia thiét dién tich dudng tron giao tuyén bang

167r:>r=42d(l,(Q))=3::>{

m=>5 (T/m)
m = —13 (T/m)

Tii d6 két luan phuong trinh méit phang (Q).

+ Ap dung cong thic: sin® e +cos” @ =1

= cos’a =1—-sin*a=1-0,8=0,36

= cosex =x0,6

Vi £<a’< 7 nén cosa <0 nén cosa =-0,6

sinee 0,8 cosaa  —0,6

cotax =—; :0—
-{),6 sing 0,8

¥

V6i bai todn nay cdc em cin ndm duge cic hing dang thiic Iugng gide va diu cha cic gid tri

higng giac ctia goc o

+ Gia stt abed 1 s6 théa man bai toan. Suy ra d € {0, 2, 4, 6}.

+) =0. S5 cach sip xép abc la A;.
+) d =2. S8 cdch sdp x&p abc 1a A — 47

+) Véi d = 4 hofc d =6 két qua giéng nhy triidng hap d =2.

Do d6 ta c6 56 cac s6 lap dugc 1 45 + 3(:4; ~ A} )= 420.

Ké HE 1 AC t3i E = Elatrung diém cha AC
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— AC L (SHE)= SE L AC = ((SAC),(ABC)) = (SE, HE) = SEH = 60'

0 [AC LHE
- Ta co:

AC L SH
2 2 7 2 1 a3
+ Trong tam gidc vudng ABC: 48 = JBC? - AC? = \/(Za) -a* =a3= HE =-2—AB ==
-3 : - Trong tam giac vudng SHE: SH = HE tan SEH = a3 tan 60° = —35
3
T tch Kh6i chp SABC & 7, 1 = SI.S,c = S22 aBAC=5 a3a=" f (dvt)
+ Dung hinh binh hanh ADBH
= AH / /(SBD) = d(AH,SB) = d(AH, (SBD)) = d(H,(SBD))
Do BH = AH = %BC = g => hinh binh hanh ADBH 14 hinh thoi do d6 BA la dudng phan gidc
cia gbc DBH = DBH =2.4BH = 60° (Do ABC =30°vi AC = %BC )
Ké HF 1 BD tai F= BD | (SHF), ké HK L SF = HK | (SBD)= HK = d(H, (SBD))
hay HK = d(AH,SB) A
TR . 3
+ Trong tam gidc vuéng HBF: HF = BH .sin DBH = a.5in 60° = ff_é.“
L1 1 b r 16 Ba
+ Trong tam gidc vudng SHF: HKE HS® HF® (34 (. A =00 2
| | 2) (2
At - Suyra d(AH,SB) = %‘* (dvdd)

Nhin xét:
V6i bai toan nay cac em cén thuc hién cac budc sau:

+ Chi ra géc giita hai mét phing (SAC) va mit phiing (ABC) Id gbc SEH = 60°

+ Dua vao tam gi4c vuéng ABC tinh 4B = axfg = HE = —12—/1_8 = %—3—

a\/?_) 3a

+ Dya vao tam giac vudng SHE tinh S/ = HE tan SEH = — tan 60° = 5
7. 3

LR N PO

32 2 4 4

+ Tao dyng mit phang chita SB va song song v6i AH bing cich dung hinh binh hanh ADBH

Tl d6 suy ra thétich V, . = %SH.SABC =

va khing dinh hinh binh hanh nay la hinh thoi d€ suy ra DBH = 2. 4BH = 60°
+ Chuyén khoang cich d(AH,SB) = d(AH,(SBD)) = d(H, (SBD)) = HK
+ Dija vio tam gidc vudng HBF tinh HF = BH sin DBE = a.sin 60° = a_;/_g

12= 12+ IZ:HKzg’-EI—.
HK HS® HF 4

+ Dya vao tam gidc vudng SHF tinh HK:
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+ Goi d 12 tiép tuyén ctia duding tron (C) tai diém A

=041d _

A = ABC, ABM = ACN,CBM = MNC = AMN = ABC

Suy ra AMN = 4 = MN / /d = OA4 L MN

+ Dudng thing OA di qua O va nhin MN(3;0) lam véc
td phép tuyén = O4:x=0 (Ola tm cda dudng tron (C))

Toa d A I3 nghiém hé { T ’ , . _.Tim dugc diém
A(0:-5) x +y =25

+ Dutng thing AB di qua A(0;-5) v nhin Ef(z;z)
lam véc to chi phuong nén véc to phap tuyén n(-2;2)
= AB x—y-5=0

Toa d6 A la nghiém hé¢ {x: 7270 i duoe diém B(50)
X"y =25
+ Dudng thing AC di qua A(0;-5) vi nhan AM(-1;2) lam véc to chi phuong nén véc tg phép
tuyén #(2;1) = AC:2x+y+5=0
2x+yv+5=0

X'+t =

Toa d¢ A 1a nghiém hé { . Tim dugc diém B(-4;3).
Nhén xét:
Véi bai todn nay cac em cin thyc hién cic buéde sau:
+ Trude hét ching minh duge 04 L MN ( Déy 14 di€m thit nit ctia bai toan )
+ Vi€t phuang trinh dudng thing OA ( Pi qua diém O va nhan véc to MN = (3;0) lam véc to
phap tuyén jva tim toa d¢ diém A
+ Viét phuong trinh cac dudng thing AM, AN
+ Giai hé tim toa dé hai dinh B, C.

i} K; xe (—w;—l]u {U} U [1; +oo)
*Xét x & (—o0;-1]U{0} =BPT (1) ludn diing
*Xét x 1400}

-BPT (e Vx* ~x2 222 -2x (2)

x> —=2x<0 0<xx 0<x<?2
| [x2=2x20 Sva>2<:> x=0
x4—x22(x2—-2x) 4x* —5x> 2 0 x=2

-Kéthgp x>21= x>1
- KL: Vdy tép nghiém ctia BPT (1) 1a § = (~o0;~1] {0} U[L;+00).
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Nhan xét:
Vdéi bai todn nay cac em cén thyc hién phép bién déi tuong duong bit phuong trinh dang

t6ng quat
B<0
Az0

B0
Az B?

\/_,528@

+ Ap dung BDT AM-GM ta co:
2J1+8y° = 2J(1+2))1—2y +4y*) <142y +1-2p+ 4% =2 + 43?

= 2J1+8y" —2<4y’ = dx > ix 1 Y
Y148y +4x-2) Y@V +4x) y x+y

}_ z 4z : zl— X

4y
& —— »
2OV1482 +4y=2) 7 y+z y(2V148%° +4z-2) * z+x

A2l+i+—1~— x2+ y2+ 22
X y z \z+x" Xx+y° y+z

Tuong tu ta co:

1 1 1 AM-GM
A2—+——~+—-[ ad >+ 4 >+ & 2} 2 l+l+i— SR A
X y z \z+x" x+3y y+z Xy z 2\/2;;2 2\/1};2 2\/_])22

1
© + Lai co: —+i+l+3=(l+1J+(}_+1J+[l+1)22 L-}-L—F—"—“‘—l
. x ¥y =z X ¥ z “x ¥y Az

N 1 1 L 1f 1 1 1 311 1 1
+8uyra A>2 + + 3| =+ —=+—F|=— + + -3
[\G y J;} 2[*/; Jr JEJ "2[\/; Jy \EJ

3 3 3
2-—.——-——32-—.—3~—-3=i.V@yAmm—éﬁxzy:z:l

2 3 f'xyz 2 xX+y+z 2

3
Nhin xét:

Vi bai todn ndy cic em quan sat thdy bifu thic dusi miu phic tap hon nén st dung viéc
chon diém rai va bt ding thic AM-GM dé ddnh gis miu

+ 24J1+8y° =2+4y* = Ax > 4x 1 4

Y2118y +4x-2) M4¥2+4x) y x+y’

-4y >_1__ z 4z >l_ X

2QVI£82 +4y-2) z y+2 x(1+8x  44z-2) ¥ z+X
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I 1
+Khi&6A2—+~—+l—[ D A }

x ¥y oz \z+x" x+3y* y+z°
tiép tuc dénh gia miu thic chia biéu thiic trong ngoic ta duge

AM —GM
A4 =z -1~+l+l— ad J

z 1 1 1 11 1 1
+ + =t | b
X ¥ oz | 2z 2\/xy2 szzzJ X y z 2{\/; \/; z]

L i 1 1 1 1 .
+ Khti biéu thitc ~—| —=+—=+—= | biing cach thém bét 1 vio cic bilu thic con laj v
2|5 Jy @J geact u

dénhgiétadlIC‘C:A>2[ ! + 1 + 1 J_Sml ] -+ L + 1 —3 L + 1 + 1
s A == -3
NEEIN N 2V Wy Vz) 2V V)
+ Tiép tuc st dyng bét déng thic AM-GM d€ suy ra két qua 4 > -3~
2

(LA I |
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—) ' _
Z.n Ghi nhé hanh trinh luyén thi Thanh Céng

Hanh trinh (uyén thi Thanh Céng sé gidp cac em dé dang 6n tap, phat hién 16 héng kién
thiic, ghi nhd nhiing tir khéa quan trong. Giup em 6n tép nhanh nhét trong thai gian nude rat.

3 Cdc em hdy fuu lai @€ dé dang 6n tdp nhé.

S8 AiEm dat QUOC wrvreresssinend 10

STT . . _Nhﬁng céu sai .. Thuéc chl}dénéo -

............................

Rt kinh nghiém gi tu nhing cau sai

------------------- b B LR HA T 8 E AN A r e m b AP TN PP PP s n mm s b A A b 4 Lo et rme e B B L LA E PR PR P TR R AR

Tne wis L L LR R L PR LN
...................... P TR Ty PR T PR PP P PR R T ERR TR TE VST EEERR LTV TEE L EENL LI L LA L DL ERIERLR LSS EELLLELEREE SN
e P L T R P T e e P e P PV PP P PP PR TYY LA T T T LIT LN
....................................... T T T T e e e e R LI L e e R L L L L L]

o LT e PR LR TN L PRSI LI LT P T TT FTPTT YL LT e L LLE L TR TR TR P T E R PR )
------------- oounuuu-u....u.u"."u...:.....-....-..-......uuu.....-n--...un.anuu-un-.......---------------....-un-nunnnnqnqpn-u-u-nuu---------------n--------
L T e L] P R S L L L L PRIt FE T Y P PP AR T TR TS P L T LTI P LT REL L AR LT} Pree
L P P P PP P P PP PP PP PP PPR TRV PPF Y FETT T R L L T R L T T P P PP P PP PP R TP PEIN LT T T TR T TP PY L LT PP T P PPy
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cerssrce ety rn o tann e e oAt B A et n e eenm e b et a8 3 e e cn s
.................................. 17041 L4208 e 1R8BS AR A998 AR Aottt e e ese e e ae b e
i) X[ s . . S P PR E
Bai hoc, va kién thifc rdt ra tir dé thi nay.
R L R L Y AT N NP E TS LI TT LTI I e - - - rer 1) - -y ErY] + * - many b
A - L3 - LT Lo - - - 'l-'lllvllblll'llllllll.lll‘il‘.l.‘ll!“!l’llI(lh------lqubbt--------‘|||lon|l.-lll|'>|b!..ltn-||| 3
. ‘ "
............................ e revesiaras - ettt e
| S B
‘ eCeies s v e et et eeeee e ettt et oo e ot
.............................. L1118 141 e R 14 AR AR ES SRR P41 E 1B 11 AR At SRR S e s 2ttt s eeeneeeseee s ees s

B L L T L T P S,

: ke amr e g ra e b raE Ay
i

EEE L P L L T LT Py P P PO T iy P AN bk ey A

! L T T P P,

L T b B B r P F E 4t et L b e At A b mrmam g AP B E PEd b T A ) b

R e A IR ANk Ldn s m e h an e nraa

e L T Ly P

_ M % 2 ngot ngao, mca thi dE chiu, gis lam ta sang
' ' | _kﬁofi;; tuyel lam ta phan chin, khong c8 thi 52t nao xdu of,

“Brzu 1ot byom. e tir divw i
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5.5 (1,5 diém). Cho ham s§ y:zx‘ll (1).
X+

a) Khio sit va vé d6 thi (C) ctia ham s6 (1),

b) Tim diém M thutc d6 thi (C) dé tiép tuyén ctia (C) tai M v6i dudng thing di qua M va giao
diém hai duong tiém cin ¢d tich hé s6 gbec bang - 9.

Dép s6: M(0; - 3), M(- 2; 5)

(0,5 diém). Tim gi4 tri 16n nhat, nhd nhit cha ham s§y = — trén doan [-1;2].
x+1
Ddp s0: .I._Egi-. y= ﬁ,x[’l_/llrzﬁy =

{1,0 diém).
a) Cho 21, 23 la cdc nghiém phiic ciia phuong trinh 222 —4z+11=10. Tinh gi4 trj ctia bidu thiic

121\2+\Z212 .
(Zl + 22)2

. 11
Dip s6: ~
! ST 8 % That pei B Tk
b) Tim hé s x® trong khai trién [~ +x” | biét tdng cic hé s6 khai trién bing 1024.
X
Didp s6: Hé s6 can tim bing 210 .

2
‘\j'4—2x dx
X

Ll * (1,0 diém). Tinh tich phan 1= |
1

Dap s6: \/—-%

us ;_;__,(1,ﬂdiém].Trongkhﬁnggianv&ihétoad@Oxyz.Chométcﬁu(S); (x—1F + > +(z42) =9
Lép phuong trinh mit phing (P) vuéng géc véi dudng thanga: * = 212 ok mit ciu
\ Y . 1 2 -2
(S} theo dudng tron ¢6 ban kinh bing 2.
BDdpsd: (P,): x+2y—2z-5+3J5 =0 va(P,): x+2y—2z-5-3J5=0

A+ (1,0 diém).

, 2sinx+3cosx . ..
a) Tinh B= glmx 3008 biét tanx = -2
Isinx—2cosx

-
Pdp s6: —
P 4

b) C6 10 vién bi d6 c6 ban kinh khéc nhau, 5 vién bi xanh cé bn kinh khéc nhau va 3 vién bi
vang ¢6 bdn kinh khdc nhau. Hoi ¢6 bao nhiéu céch chon ra 9 vién bi ¢6 o ba mau?

Dip s6: Cy, +Cy - C}, —C, =42910
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§ 5

) Mega book D b Ku Huuing Sdck Luyen T

(1,0 diém). Cho hinh chdp S.ABC cé mit day (ABC) la tam gidc déu canh a. ng
vuéng goc ha tli S xudng mit phing (ABC) 1a mot diém thuoc BC. Tinh khodng cach gitia haI
duding thing BC vA SA biét SA=a va SA tgo véi mit phang ddy mét géc bang 30°.

£ > (1,0diém). Trong mit phing véi hé truc toa d6 Oxy cho hai dudng thang A:x+3y+8 =0
A':3x—4y+10=0va diém A(-2 ; 1). Viét phuong trinh dudng tron c¢d tim thudc duong
thing A, di qua di€m A va tiép xtc v6i dudng thing A’

Ddp s6: (x - 1)* + (y +3)* =25,

[+ (1,0diém). Giai bat phuong trinh: xy/x - 4\/;5 225
x Vx

Didp s6:

1® (1,0diém). Cho céc s6 thuc X, y; z théa mén: x> + y* + 22 = 2. Tim gi4 trj 16n nhét, gid trj
nho nhdt clia bifu thitc: P=x*+y* + 2° - 3xyz.
Ddp s6: MaxP = 22, MinP = 242
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Hay oot d thii sukc nfue mit lan thi thad, ode em hay viet lon guis ihat cdn than
nhe. Cd the s0 trang gidy khong dii, em. hdy lam va kep vao sdch dé dé ding on
tap nhé. Hay bam thin gian va t thubmg cho mink néy dit digm cao nhe,

Chuic em thi t6i!
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PESO 6 BO BE THITHPT QUGC GIA CHUAN CAU TRUC BO GIAO DUC
...... 5 pé thigdm 1 trang Mén: Todn hoc
B Ak ko | Thoi gian lam bai: 180 phut, khong ké thai gian phat dé
..... ¢au 1(1,5 diém). Cho ham s6: y=x* —5x2 1 4 (C)

a) Khdo sat va vé d6 thi (C) clia ham sé.

.....

b) Tim tét ci céc diém M trén d6 thi (C) cfia ham s6 sac cho tiép tuyén ctia (C) tai M cit (C)
""" tai hai di€ém phan biét khic M.

2

- y .y I » 'y . - > | E) 4 » ]H
Ciu 2 (0,5 diém). Tim gid trj 16n nhit, gid tri nho nhdt cha ham s§ y =
X

* trén doan [1; .«33}.
Cau 3 (1,0 diém).
a) Tim s8 phiic z thda man |z —].’ =5vali(z+ E) ~5zz=0.
b) Gidi phuong trinh: Jog, (x3 + 1) =log, (2x—1) + élog@ (x+1).
(x3 +l)1nx+2x2 +1
2+xInx

(u4(1,0 diém). Tinh tich phén | = j
I

(4u 5 (1,0 diém). Trong khong gian Oxyz, cho dudng thing A ;_Jf;'_I: % = Z+11
AL 2;-1), B(3;~1;-5). Viét phuong trinh dudng thing d di qua diém A va cit dudng thing

D sao cho khodng cich tii B dén dudng thing d I3 16n nhdt, nhé nhdt,

va hai difm

Cau 6 (1,0 diém),
. 2 - 2
a) Gidi phuong trinh: (sinx+cos x)” —2sin’ = V2 (Sin (% _x] —sin (% _ an

1+cot? x 2

b) Mot thing ¢6 ding 20 bong hoa trong dé c6 8 bong héng, 7 bong ciic, 5 béng dao. Chon

‘ngdu nhién tli thiing nay ra 4 béng hoa. Tinh xdc sust dé 14y dugc 4 bong cé dit ci ba loai .

I C3u7 (1,0 diém). Cho hinh ling try ding ABCABC ¢6 AC =a, BC =2a, ACB =120°va dudng

thing 4'C tao véi mit phing (ABB'A") gbc 30°. Tinh thé fich khéi ling try d4 cho va
khodng cich gitta hai duding thing 4'B,CC" theo a,

Giu 8 (1,0 diém). Trong mat phing Oxy, cho hai dudng tron (C):x*+37 —18x-6y+65=0 vi
(C') :x*+y? =9. Tt diém M thude duong tron (C) ké hai tiép tuyén vdi duding tron (C), goi

A, B [a cic tiép diém. Tim toa do diém M, biét d¢ dai doan AB bing 24
5

[ Cau 9 (1,0 diém). Gii phuong trinh 41 ++/1- 2 Mnxf— (I—x)3]z2+\/1—x2

(au 10(1,0 diém). Cho cic s§ thuc duong .a, b, ¢ thda mén abc = 1.

1 +r . T A 4 . 4 . ] 1 1
i Tim gid tri nhé nhdt clia bidu thitc A = _—t_
f & a3(b+c) bj(a-i—c) cs(b-ka)
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LI GIAI CHITIET VA ONTAP

o

*TXD: D=R
* §if bién thién
I + Gigi han:

v fim y =-+o0, N y=-+00

| | K—p—D
+ Chiu bién thién y' =4x" —10x
x=0 ¢

H* : y'= 04 -10x=0c flg
I

o .
S [ V10 0} [ 10, OC,],l’lélrﬂséinghichb'u’e’ntrénmcn
2

Ham s6 dong bién trén mdi khoang

SR e

+ Bang bién thién
S i
1 L X | —oe __\/i_{.}_ ) e +oo
L 2 2
' s y] ] 0 R
.: -:1..; P +o0 400
;| . . - + . . Fy
E + Cyc tri: Ham s6 dat cuc dai tai x = 0 va gla trl cuc dai 1
v =4, ham s6 dat cic tiutai , - + J1o va gid tri cc tién .
Yer = !
* P thi o |
1.b ]
+ Phugng trinh tiép tuyén cua d6 thi (C) tai diém
3 — j—
M(m;m4—5m2+4) Ia: |
= (4n —10m)(x=m)+ m" ~5m" +4 (&) T
7
+ Xeét phulong trinh hoanh 4o giao diém cia d va {C): %

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/
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£t —5x +4=(4m3 —l()r;u)(x—m)~1-m"—Sm2 +4s (x—--m)2 (xz + 2mx +3m? —5):0 (1

+ Tiép tuyén cla (C) tai M cit (C) tai hai di€ém phan biét khdc M < Phuaong trinh (1) c6 hai
5—2m* >0 TR J30
iém phén biét khdc m < o e el AT
nghiem PR DI {6m2-5¢0 me{ 272 6
+ Vay cdc diém théa mén yéu cdu bai todn 1a

Rather

2 6

M(m m® —Sm’ +4) véi me{

Nhin xét:

Vi bai todn nay cic em cin thuic hién cac bude sau

+ Got diém M (m mt —5m* + 4) ¢an tim theo tham s m va viét phuong trinh ti€p tuyén d
cta (C)taiM

y= (ﬁlm3 —IOm)(x—-— my+m' —5m’+4  (d)

+ Khéng dinh d cit (C) tai hai diém phén biét khic m khi phuong trinh hoanh d6 giao diém

'mdi L 4a dva (C) c6 hai nghiém phan biét khac m
+ T d6 tim m va két ludn
G2 8
Inx
270 | x=1n?
, { x JI x 2lnx—In®x
_|_ y = 3 = 3
X x
. ) Inx=0
y'=0 o 2hx-ln’x=0 &
Inx=2
x=1 e“:‘(l;ej)
<
x=¢é E(l;e‘%)
9 4
)=0x(e)=Zsx(e)= 4
+ Suy ra:
. . . 4 . 2
ﬁp}lﬁy:(] khix =1, E‘_u:niyz—? khix=e
" Nhin xét:
V6i bai todn nay cac em cdn thyc hién cdc budc sau
+ Tinh dao ham va gidi phuong trinh dao ham bang 0 tim ra nghiém ¥ =’ 5(1;83)
9 4
+— . + Tinh cdcgiatri y(1)=0;y{e’ V=S5 p(e? ) =—
g (1)=0() = Zr(e") =
+ min =min {y(l);y(eE);y(ez)} = min {0;%;1?}=0
if'_ i &e
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::_l:e ] e

(au3. 3.2
+Dit z=a+bi (a;beR)

+ max = max{y(l);y(.«f);y(e1 )} = max{[};j—g;%} = 4

+Theo gid thiétta co: ||| = 5 e J(a~1)" +b" =5 & a’ +b" —2a=24(1)

- , 34
Mit khac: ]7(z+z)—52.z:0®a‘+bzz?a (2)

5 24 p ” .

+ Thay (2) vao (1) duoc ?a =24 g =5.Kéhgp vdi (1)cd b* =9 b=3h=-3.

+ Vay cd hai s6 phiic thoa man bai todn Ia: 5+3; va 5-3i.
Nhén xét:

Day 13 bai tp tuong doi co ban clia s6 phiic, véi bai todn niy cdc em cén than trong trong viéc
thyc hién giai hé thm phin thyc va phin do cta 2.

Vi dang bai todn téng quét: “Tim s6 phiic z thoa midn mot hodc mét hé diéu kién nao do"
ta thudng thic hién cic budc saw:

- Budc 1: Goi 56 phiic z & dang dai s6 z=x+ i, (x,y € K)

- Budc 2: Tii diéu kién gid thiét dd cho thiét 1ap hé phuong trinh haidnx, y

- Buréc 3: Giai hé phuong trinh da thiét 1ap & buée 2 tit d6 suy ra céc s6 phdc tuong ing.
i @ 3b

+ Difukidn: x<O0vix>2

Bat phuong trinh d3 cho tuong duong véi: log, \2x - l‘ > log, (x2 - 2x)
=4 ‘Zx—]‘ > X - 2x

_ + Xét 2 trudng hop sau:

*“THL: Xét x <0,

1-2x>x*— xt <1

x<0 x <
Tadu’.cjché:{ . @{ < -1<x<0
X :

B ATH2: Xét ¥ > 2,
| x>2 [x>2

Ta dugc hé: ) e,
2x—lzx*—2x  |¥—4x+1<0

x>2 ‘:
a{ &2<x<2+4/3 {

Y3 <x<2+3

+ Vay tap nghiém bat phuong trinh [d § =[-1;0) L (2; 2+ \/ﬂ :
Nhién xét:

Day 12 bai todn dua vé cling co s6 13 2 khi d6 cdc em dé& dang dua bat phuong trinh ban dau vé
bit phuong trinh [2x - 1| = x” — 2x. Dén d4y 1A ki nang gidi bt phuong trinh chia dfu trj tuyét doi.

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/
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, fx)2glx)néua>l b a1 N
: 1 2 1 <:> ro, d s a ’ -
Liru y: log, f(x)=log, g(x) L‘”(x)Sg(x) néu 0 < a <l(‘ i diéu kién xdc dinh ctia bat

| Phddng trinh)

edx =1+ 1,
2+ xInx

(x +1)Inx+2%" +1szix2dx+j l+Inx

2+xnx

+
-
il

— e

) ’ e &=l
+ Xét I, =jx2dx={?} -

1 1 3
, * l41In fd{2+xl .
pXe T, = [ i = | (2+xln ) ~[in[2+ xina|] =In(e+2)-m2 = n EX2
" 2+xlnx + 2+xInx ! 2
3
Vi_lyIZe -1 1n{,+2
Viéc ©
© Nhénxét:
de" Vi bai todn ndy cdc em quan sat thiy biéu thiic trén t ¢ thé tich thanh mét phin 6 thé rat
- gonvoi mﬁu thdc nén cac em phan tich tich phan ban ddu thanh t6ng chia haj tich phan nhu sau
e{x’ +1 Inx+2x*+1 2
I:I dxzszdx"[-lﬂdx L +L,
t 2 +xln | 24xlnx
Viéc con lai don gidn hon trong viéc tinh hai tich phén L.,
Liru y: Véi tich phén 1, = j]—HI]l-x—d cdc em c6 thé thuc hién chi tiét hon nita bing cich
2+xInx
d6ibién 56 2+ xInx = ¢ = (1 + In x)dx = dt
+ Goi d 1a duting thang diqua A va cit D tai M = M (—1+26,3¢,—1-1)
AM = (=2+2£,31 - 2;,—1), AB = (2;-3;-4)
+ Goi H la hinh chiéu ciia B trén d. Khi do @(8,d) = BH < BA Viy d(B,d) 16n nhitbing BA
< H = A.Diéunayxdyra < AM | AB & AMAB =0 © 2H=2+20-33-D+dt =0 1=2
x—-1 -2 +1
| — M(3;6,-3). Phuong trinh d la *— =2 =7 ]
L + Puding thing A di qua diém N(-1;0; -1) va c6 VTCP # =(23;-1)
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Tacd: NA= (2;2; 0) = = [E\IA, .;:} = (—2;2; 2)

Mit phiang (P) chdad va D diqua Avacd VIPT v néncé phuongtrinhla: —x + y +z = 0 "

Goi K 12 hinh chiéu ctia B trén (P) — BH = BK . VAy d(B,d) nho nhitbing BK < H =K |
Lic d6 d 1a dudng thing diqua A vaK x=t -

+ Tim dugc K = (0; 2; -2} . Suy ra d ¢d phuong trinh la:< y =2

Nhan xét: z=—2+t

Vi bai todn nay cdc em cin thifc hién cdc budc sau:

* Viét phuong trinh d d€ d(B,4d) lén nhit

+ Goi M 1a giao diém clia d va A = = M(-1+2536-1-1)

+ Goi H 12 hinh chiéu vudng goc cta Blén d = d(B,d}=BH < BA |

Suyra d(B.d)._,. =BA khiH tring A hay ABvuéng goc véi AM < AM .AB = 0. Titphuong
trinh nay cic em tim dugc t khi d6 ta dé dang viét dugc phuong trinh duong thang d (d di qua hai ;
diém A va M) '

* Viét phuong trinh d d€ d(B,d) nhd nhat

+ Dudng thing A di qua diém N(-1;0;-1) vi ¢6 VTCP u =(2;3;-1).

+ Goi (P) 12 mit phing chda hai didng thing cit nhau d va A thi (P) di qua A va nhan
[FA,E&] - (ﬂz; 2;2) lam véc to phip tuyén=>PF):—x + y +z = 0

+ Goi K 12 hinh chiéu vudng géc ctia B 1én (P}. Khi dé d(B,d)=BH =2 BK

Suy ra d(B,d)_ = BK khiH tring K.

+ Tim toa d6 K 12 hinh chifu ctia B [én (P). T d6 cic em viét phitong trinh cla dudng thang
d (d di qua hai diém A va K}

b 6.a

min

+Dicdu kién: x # kx
. .2 T .
+ Phuong trinh di cho tuwong duong véi: (sin2x+cos2x).sin’ x = 2 008[*— 2x) SN X

= cos(2x—%].sinx zoos[Qx—-'Z—] = (Sinx—]).cos[Zx—%] =0

sinx =1 x=Z k2 (T/m)
“leosl22=Z =0 32 &
COS| X = |7 x=§+f—; (T/m)

i In  kr
+ Vay, phuong trinh ¢6 nghiém: x = 7t k2m,x = =t T (keZ).
Nhin xét:
V6i bai todn nay cdc em can thuc hién cac budc sau

+ Trude hét cdc em dit diéu kién xac dinh x = &7

a 3 1 o - A AT+ o -, B A Id -
+ St dung hing dng thiic 1+ cot” x =— &€ bién d6i mau thic va van dung cong thiic bién
g hang dang sin’ x g cong

téng thanh tich d& bién ddi vé phai: (sin2x + cos 2x).sin x = V2 cos [-Z— - 2x] Sinx
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+ Pua vé phuong trinh tich cos(2x —%]Asinx = cos[Zx m%) & (sinx—1).cos (Zx-%] =0

+ Gidi cAc phdong trinh thanh phan, k&t hep diéu kién va két luan:

T 3In kr
k2N ="+ — (ke Z)
=3 g3 e?)

+ Goi A la bién ¢&:” Chen duge 4 bong hoa ¢é di 3 loai”

+ Chon 4 bong hoa tii thiing ¢é 20 bong hoa cé C;, cich chon = |Q| "
Xét cac trudng hgp sau

- THL: Chon dugc 2 bong héng, 1 béng ctic va 1 bang dao cé C;C,C; cach chon
- TH2: Chon dugc 1 béng hdng, 2 bong ciic va ! béng dao ¢6 C;C;Cs cach chon
- TH3: Chen dugc 1 bong héng, 1 bang cic va 2 béng dao cd CiCLCT cach chon
Suyra:|Q,| = C;C)CL + C2CAC, + C2CIC

Viy xdc sudt dé chon dugc 4 bong hoa ¢6 ¢4 3 loai la

Q| CGCC+CIGC+CICC 28
P(A) ‘ ‘Q‘ | hi C4 * E
2q

Nhin xét:

Véi bai todn nay cdc em can thyc hién cdc budce sau:

+ Goi bi€n ¢6 A cén tinh xéc suét va tinh s6 phén tr cia khong gian miu (s6 phin tit cia
khong gian méu 1a 58 cdch chon tiy ¥ 4 bong hoa tif thing) | = C5,

+ Tinh $6 phén t& thudn lgi cho bi¢n c¢6 A. Ti gid thiét ta thiy cé 3 kha ning va tinh s§ cich
chon trong titng truéng hop = |Q,| = C2C)CL + C2CCL + CICIC
Q.|_cacraaacae 28
] o 57

+ Chi ra xdc sudt ctia bién c§ A: P(A) =
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+Trong (ABC),ké CH | AB (H e AB),suyra CH L {ABB'4") nén AH 2 hins v g
gdc clia AC1én (ABBA).
Do dé: (A'C,(ABB'A')): (4C,A4H)=CA'H =30

a’\3
2
- AB® = AC* 4+ BC?* =2ACBC.cos120° =7a*> = AB =a~/7

28,50 aV2l
AB 7 . LR

1 .
+ Sausc =5AC‘BC‘sm]20° -

CH

CH 2av21
Suyra: 4'C = = av2l
$m30 7

+ Xét tam gidc vudng AAC ta duige: A4 =+ A'C* - AC? =

. *J105
Suyra: S e Ad= d

14

+Do CCY/AA'=> CCY//(ABB" 4.

a2l

Suy ra: d(4'B,CC")=d(CC",(ABB' 4"))=d(C,(ABB'A"))=CH = -

Nhian xét:

V@i bai todn nay cdc em can thuc hién cic budc sau:
+ Chira goc(A'C.(ABBA") }= (A'C, AT ) =CATH =30°
+ D¢ tinh thé tich khoi ling try ta c4n di tinh d¢ dai dudng cao AA cfia ling tru

AB? = AC* + BC? — 2ACBC.c08120° = 7a” = AB = a7 — CHf = Z‘Segc _ay2l
A 7

CH  2av21 a’+/105
= =V =S pcdA" =

sin30° 7 A 14 _
+ P& tinh khodng cich gitia AB va CC’ ta chon mit phing (ABBA)) chita AB vi song song §

véi CC. _ i
Khi dé d{A'B,CC")=d(CC',(4BB' 4"))=d (C,(4BB'4'))=CH =2 ?21

Suyta: A'C =
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+ Pbudng tron (C) ¢ tam 0(0 0}, bén kinh R = OA 3.Goi H=ABMNOM, do H 14 trw |
OA’ |

=35
OH 1

10ng

OA* - —va OM =

diém clia AB nén AH_
+D?.1tM(x;y)

Ta co: MG(C)@ ¥4+ y —18x-6p+65=0
OM =35 x*+y" =25 -

{3x+y—15=0 {x2_9x+20:0 {

Aad &

y=15=-3x {

Vay, trén (C) c6 hai digm M thoa dé bai la: M(4;3) hodc M(5;0).

w2
il

=2
£l

¥4y =25

=
H

<
l

4
3
5
0
)

Nhin xét:
Vi bai todn nay cic em can thuc hién cdc budc saw:
+ Goi H=AB{1OM = HIa trung di€m ctia AB nén AH = %

OH=+OA’-AH’ = %

0A*
OH
. , o [Me(C) a
+ Goi M(x;y) st dung hai gi thiét {OM _s ta suy ra hé phudng trinh
2+ y —18x~6y+65=0
{xg +y° =25

+ Trong tam gidc vuong OAH tinh

+ Trong tam gidc vudng OAM tinh OM = =5 :

+ Gidi hé phuong triph tim nghiém va két ludn: M (4;3) hoic M(5;0).

+DK ~1<x<1.Patu=l+x, v=y1-x, u.vz0
w +v' =2

+ Hé trd thanh: lm(u3_v3):2+1¢v

+ Ta ¢co 1+uv=é(2+2uv) :—;—(uz +° +2uv):%(u +v)2

jong

- =(1¢1r,——v)(z,¢2 +17 +uv) :(u—v)(2+uv)
+ Khi d6 hé phuong trinh

u vt =2 =2
+v)(u—v)(2+uv):2+uv@ (2+uv)(u2 —y* —\@):0

2 5

: 2
2 _ - —
ey _|_'v2=2 7} -"-].+ 2 ].+.x—1+‘ 2
+ Suy ra: = <> <> x=—— (T/m)

ME_VQ:\E Vz‘“ \/E ‘\/E

=1-22 0 |iex=]- X5
2 2

1
75— (u

ol
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V2

Vay phuong trinh ¢6 mét nghiém x = >

Nhan xét: \f1+ﬁ[\/(l+x)3 —J(l—x)3]:2+\/1_7

Vi bai todn nay cdc em quan sit thdy trong phuong trinh chi chiia hai bién thiic V1+x vi
V1—x nén cic em nghi t6i viéc st dyng hai an phu d€ chuyén phugng trinh trén vé mot hé |

. h ’ b1 r I + T = ! W = ro- r = ;T
Luu y:Bai todn nay cdc em c6 gidi bang cach dit lugng gidc voi phép dat x =cos2t, re [0; 5}

1
z=—. Do abe=1 = xyz=1.Khidsé
c
3 3 3 3 2 2 2
Xy yw rxmy Xy oz )
1+_1_ y+z z4+x x+y y+z z4+x x+y
y x

+ Ap dung bt ddng thiic C6 si ta co:
w2 ? 2
+ X+
D R +Z+x2y, L eIV
y+z 4 z+x 4 X+ y 4

+ Cong tling vé€ cac bt dang thiic trén ta dugc :
1 2 2

VLA A “2x+y+2223 xyzzE
y+z z+x Xx+y 2 2 2

! 3
Suyragiétrinh(’)nhétcﬁaAléE datkhix=y=z=a=b=c=1

Nhin xét:
V0i bai todn nay cdc em cin thuc hién cic budc sau:
1 1
+ Bt x= —,yzl,z_—_—, Do abc=1 = xyz=1,
a b c

3 3 3 2 2 2
+ Chuyén biéu thiic A vé dang gty gy Yy X y =z
Y+z z+Xx X+y y+z z4+X X+y

+ Chon diém roi d€ van dung cdc bét ddng thic thanh phin

2 2 2 + :
R iy ST
y+z 4 z+x 4 x+y 4
2 2 2
o xty+
Tt do suy ra L AR 4 Zgisfxyzzi
y+z z+x x+y 2 2 2
z 2 2 1
Tuy nhién ta ¢é thé st dung tryc tiép bat ding thuc i+B—+—q_2—._(A+B+C) viix, v,z
' x y oz X+y+z
2 2 2 2
. , x +y+ + 3
duong dé ta cé duge TR z(x ytz)y _x y+zz__"3f,xyz:§
y+z z+x x+y 2x+y+z) 2 2 2

+ Khing dinh gi tri nho nhdt chia biéu thirc va chi ra du béng,
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Ghi nhé hanh trinh luyén thi Thanh Céng

g PDF Séch Luyén Thi Bai Hoc

Hanh trinh luyén thi Thanh C8ng sé gitp cac em dé& dang én tap, phat hién 16 hdng kién
thiic, ghi nhd nhing tie khda quan trong. Gidp em én tdp nhanh nhét trong théi gian nudc rat.

Cdc em hdy luu lgi dé dé dang én tép nhé.

NQAY oo

Thildn ... vevessenmrosessseessaesesemmasrerseesaansnes

S diém dat duoc

- Thudc chl dé nao .

PP "
.........
....... L TP T L0 Ee s LA EEA4E 1T TR e bk b e amms s ee e m e 3 B B4 b R -
T T R B R R D RN 11ee
........... tuarr arRnasrara mrsarssmms syt 2T PRI PR T I P P AR B (L1 L}
P T T P P PR i N
............ L P L T S U OO OO PPN
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Bai hoc va kién thic rat ra tir 6 thi nay.

Netu ban muon thank cong, phis {ay
long kuen tri lum ban tot, 1y hink nghigm THINK

lm tham e, [y oin thin o ank em, \!

lay hy vong loum link g, g Uolegy

(

LEED ON DoWNG
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T T i 08 THPT Qui: Gia Mon o e+

» A"

EEE » (1,5diém). Cho ham s6 y = ¥+ GBm+)x? =3
a) Khao sat va vé d6 thi (C) cha ham s6 khim = -1;

b) Tim m dé d6 thi him s6 ¢6 3 cuc tri tao thanh mét tam gidc can sao cho d¢ dai canh ddy
bing 3 d6 dai canh bén.

. 5
Dépso: m :—5

~ @F » (0,5diém). Tim gié tri [6n nhift, gid tri nho nhit cta ham s& ¥ = %xl 20 +3x-4 trtn
......... doan [—4; U] .

........ Pidp $6: min =-18; max =—4

* (1,0 diém).

a) Tim s6 phitc z théa mén didu kién |z 31| = rl - iE’ va (Z —§] la s6 thudn 4o
Pipsé: z=25z =45+

1 ,
........ b) Gidi bit phuong trinh: > log, (2x-1)" ~log, (x*—2x)20
Biép sé: S ={0;1;2}.

# (1,0 diém). Tinh tich phan sau: [ = I—hl—{fix
e’ :

Pipsh: I=e——.
P 2

& * (1,0diém). Trongkhong gian véihé tructoa dé Oxyz, chohai dutng thanglan luigtcs phuong

trinh (d,): %1 E:E;(dj)<x—2:yh]:.z_ va mat phing (P):x+y-2z+5=0.

Lap phuong trinh dudng thing (d) song song v4i mit phang (P) va cit (d,),(d,) 1an lugt tai
A, B sao cho d¢ dai doan AB nhé nhit.
x—1_y-2 =z-2
1 1
¢ {1,0 diém), cos? 2x—2cos[x-+-%)sin[3x— ::]—2

a) Giai phuong trinh lugng giac: =0
P 5 &8 2eosx—2

Ddp s6: d;

Pip s+ X :%H kK2n (ke?Z)

: b} Mot hép <6 chiia 6 vién bi dd, 5 vién bi vang va 4 vién bi tring. Liy ngiu nhién ti hop nay
- radvién bi. Tinh xdc suét d& 4 vién bi dugc 14y ra khong c6 db ba mau.

Didp s6: RES
;-1 91
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MBMiegahook Dinduutong Salipg i

(1,0 diém). Cho hinh lang try ding ABC.A'B'C' ¢6 ddy ABC 1a tam gi. . ..
‘ canh déy AB bing 2a va goc ABC bing 30°. Tinh thé tich clia khéi ling tru 4BC.4'B'C" big
khodng cach gifia hai duding thing AB v CB' bing % :
il o . &
Didp s6: ﬁ (dvtt)
; _ g ¢ (1,0di8m). Trong mit phing Oxy, cho dudmg tron (C): (x—2)" +(y+3)" =4 va dudng
' thing d: 3x—4y+m—7=0.Tim m d&trén d c6 duy nhat mét diém M ma tir do ké duge -

hai tiép tuyén MA, MB t6i (C) (A, B Ja cdc tiép diém) sao cho goc AMB béng 120°.

o Dép s6: 11+ ﬁ%

+ (1,0 diém), Giai phdong trinh: 2x* + x + At 13+ 2xdxt 43 =9

Pdp s6: x=1

: 2 . 3

# (1,0diém). Cho a, b, c1a ba s6 dueng thodman :a+b+c= "
1

PR ' 1
Tim gid tri nhd nhat cfia biéu thuc: P:#+ +——
Va+3b Yb+3c Vc+3a

| Dip s6: P dat gid tri nho nhét bing 3khi g = = ¢ ZZII'
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Hay coi d thit sitc nhuw mot @an thi that, cdc em hdy viet Il gidi that cin thin
nhé. C6 the st trang gidhy khong dil, em hay lem va kep vao sdch dé d dimg on
i2p nké. Hay bam thin gian vie by tuebng cho minh nés dgit diém cao nhé,
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pESG7 B0 DE THITHPT QUGC GIA CHUAN CAU TRUC BO GIAC DUC
gé’ thi gém 1 trang
L Rk

Man: Todn hoc
Thai gian 1am bai: 180 phit, khéng ké thoi gian phat dé

Cau.1 (1,5 diém). Cho ham s6:y=x" = 3% + (m+1x+1 (1) 6 d6 thi (C,,), v8i m la tham s3 .
. ; a) Khio sat va vé d6 thi (C) cha ham s8 (1) khi m=-1.

b) Tim m dé duting thing (d): y = x + 1 cit 45 thi(C,») tai 3 diém phan biét P(0;1), M, N sao cho
_ 4n kinh dudng tron ngoai tiép tam gidc OMN béng % véi O(0;0).

(Gu2(05 diém). Tim gid tri [6n nhét, gia tri nhé nhét ctia him s8 ¥ = cos’ x - 6cos® x+9cos x +5

" Céu3(1,0 diém)

‘a) Chosd phéic z=x+yi; x,y< R théaman z° =18+26i, Tinh T =(z—2)""* +(4—2)""¢
b) G1a1 bat phuong trinh: x(3log, x— 2)>910g2x 2

:Cau4(1 Odlem) Tinh tich phan I = J.(XH——*)E ‘dx

e _ 2

_'_-au 5.(1,0 diém). Trong khong gian Oxyz cho hai difm A(-1;3;-2), B(-3,7,-18) vad mét phang
) (P):2x—~y+z+1=0. Viét phuong trinh méit phing chiia AB va vudng géc véi mp (P). Tim

- diém M e (P) sao cho MA + MB nhé nhat.
Giu6 (1,0 diém).
. 2) Gidi phuang trinh: 8(sin® x + cos® x )+ 33 sin4x = 3+/3 cos 2x — 9sin 2x +11

b) Tim he 6 cia x” trong khai trién da thiic (2 —3x)*

+Co O O = 1024, (CF 12 t8 hop chap kctia n phan t )

, trong dé n 14 s6 nguyén duong thoa

ﬁﬁu7(1,0 diém). Cho 1 dién ABCD ¢6 AC= AD = a2 , BC = BD = a, khodng céch tii B dén mit
- phfmg (}'&CD) bﬁng 7 . Tinh gdc gitta hai mat phing (ACD) va {BCD). Biét thé tich cha khdi
tlI dién ABCD bing 4 ‘/ﬁ

ﬁ-(aus (1,0 diém). Trong mat phang toa d9 Oxy cho hinh thang cAn ABCD c¢6 dién tich bing 18. Pay

6n CD:x~ y+2=0. Biét hai dudimg chéo AC, BD vudng géc v6i nhau va cit nhau tai diém

~ 1(3;1). Viét phuong trinh canh BC biét diém C c6 hoanh dé 4m.

14+2x— 221+ y =4x’y + 747
P ly+D)+(x+1) =xy+5x

- Cu10(1,0 diém). Cho céc s thuc x, v, z khéng &m va thoa x+ y+2z =3, Tim gia tr{ nhd nhét clla

1 I |

. biuthiic: P = + +
4+2In(0+ )~y 4+2In(l+y)~z 4+2In{l+2z)~x
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LO! GIAI CHITIET VA ON TAP

*TXD:D=R
* Su bién thién

+Gidihan: lim y=—e0, lim y=1400

K Ao

B + y'=3x —6x

x=0

x=2

)"=0¢>3x2—6x=0<:>[

Ham s6 d6ng bién trén mai khoang ( —c0; ()) va ( 2: +o0 ) hamsén shich biéh trén khodng (O;QJ
- + Bang bién thién ,_

y

+ 0 - 0 +
-. ) ] +oo
:'E ’ //////’ \\\\\\\x ,//////X
-
! e 3

__ \ + Cuic tri: Ham s6 dat cyc dai tai x = 0 va gid tri cuc dai o, =1, him s6 dat cvic tidu tai x=2 §
il ‘ Va gia tri cyc tidy ., = -3 : B
I * D6 thi g
Ik ; Lb A
‘ ' 3 + Phuong trinh hoanh d¢ giao diém cua (C.) vé—-'(d): 2+
. x3—3x2+(m+1}x+1=x+1
i x=0=y=1= PO /\
i <:>x(x2—3x+m):0<:> , 7 () ——t + : b
il ¥ =3x+tm=0 (2) :
+DE (C,,) et (d) tai 3 diém phan biét < (2) c 2 nghiém _
| phinbigtkhic0<>{ ¢ il
. . m < — e
Gid st M{x;;x, +1), N(xy;x, +1) khido 13, la nghiém cfia pt (2) =
B . 1, OM .ON. ) o
faco S, = S MNd(0;(d)) = -—%—@V— vOi R la ban kinh dudng tron ngoai tiép tam gidc
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R

1gide b

Y i)
P ST B O RPN :%ﬁﬁ i
o avd(0say = ZLONMY oM 0N = 2R d(03(d)) = V203 (d)) ()
OMN7 4R

OM.ON = (25} +2x, + (2% +2x, +1)
Vi x,} =3x, —m;x," = 3%, —m=> OM.ON = dm* +12m +25

1 V2

od) =—==—
+Khidé thévaoe (3 taduge: Vam® +12m+25 = 5«}2-; =5 {m B 3th6adé‘chicé at==3
m =
- 'Nhan xét:

V6i bai todn nay cac em cin thuc hién cdc budc sau:

+ Khing dinh d cit (C,)tai 3 diém phan biét < phuong trinh hoanh d¢ gino diém co 3

= - nghiém phén biét < (2) c6 2 nghiém phan biét khic 0

m#0
& 9
m<—
4
+ Tinh di¢n tich tam giac OMN theo hai cich g — 1 MNA(O:(d))> Somy = w
Y 2 b

tir d6 suy ra phuong trinh
2
OM.ON =2Rd(0;(d)) = Sﬁd(O;(d)) & \f4mz +12m+25 = 5@% =5

m =)
m=-3

+ Két hgp diéu kién va két ludn gid tri m tim dugc.
0 y=cos’ x—6cos’ x+9cosx+5

+ TXD: b=R

+Dit cosx =1, te[-11]

Khi d6 ham sé trd thanh g(z)=£ —6¢° +9¢+5

g (@) =32 -12t+9

R t=le(-11)
g)=0e3t -12:+9=0
=3¢ (-LI)

g-=—1Lg®H=9

+Suyra

lf}liﬁg(t):—llkhi t:—l<:>m£iny=—11 khi cosx=-l<x=x+kir

Iin]ai}]cg(t)=9 khit=1<> max y=9khi cosx=1<x=4k27

+ KL: mgnyz—ll khix =z +k2z; 1n§1xy=9khix:k2fc
Nhin xét:

V6i bai todn nay cdc em cén thuc hién cic budce sau:

+ TruGc hét cac em chi ra tip xdc dinh clia ham s6: D=R

+ Pt 4n phy dé€ chuyén bai toan tim min, max trén mt khoédng vé bai toan tim min, max cta
ham da thiic bac 3 trén mot doan [ul;]]
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+ Tim min, max cta ham g(t) trén doan [-1;1] tli d6 suy ra gié trj min,
gidc ban dau trén tap R.

+B€1t z=x+pi, {x,yeR)
2 =184260 < (x° =3xy? )+ (3x’y~ y')i = 18 + 26i
~3xy" =18
@{x xy

V3

(Vl X, y khong thé bang 0 nén dit y=tx)
3y —y

1 .
+ Giai duge 5:5 = z=3+i

(1+ i)?@llﬁ _ [(l+i)2]IUUS _ [2i]1[](}ﬁ _ 2"}03
(1_i)2016 :[ 1) j|1008 [ 21]1008 _ 21003

SLIY ra: Tz(l-i—j)zm(jq_(lu )016 — 2IUOS+ 21008 — 2IU[}9

#han xét:

Vi bai todn nay cdc em ¢dn thyc hién cdc budc sau:
+Dét z=x+yi, (x,ye R)
‘ s e x’ —3xy’ =18
+ Tit gia thiét z° =18+ 267 thiét lip hé phuong trinh ¢~ \
IXy-y =26

x=3
+ Gidi hé phueng trinh tim nghiém {y _q tli d6 suy ra s§ phitc z=3+1
2016 008 71008 in0g
+ llnh (1+1) [(1 J ~[21] =2
(1- )2016 [(1 iy? ]ms _ [—Zi]lm _ 1008

suy ra: T ( ),.,0{6 (] _ )ZUIG 21008 , 21003 2][}“9
o 3b _ '

+Pitukiénx >0

Bit phuang trinh < 3(x~3)log, x> 2(x~1) . (1)

Nhin thiy x =3 khéng phéj 1a nghiém ctia phuong trinh (1)
x—1

-THI: Néux>3thi (i}« Elog2 x>
Xéthams6 f(x)= %log2 x, him s6 dé‘ng bién trén khodng (0;+)

g(x)= i? , ham s6 nghich bién trén khoang (3;+)
x

+Voix>4thi f(x)> f{4)=3=g(4)> g(x)
" Suy ra bat phuong trinh ¢ nghiém x > 4

-: |] +Voix<4 thl f(x)</(4)=3=g(4)sg(x ) = biét phuong trinh v4 nghiém
‘1 | - TH2: Néu x < 3 thi (])@Elog, X< x 1
{ 2 x—3
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fvgixz 1thi f(x)z /(1) =0=g(1) 2 g(x) =>bit phuong trinh v6 nghi¢ém
sveix< 1thi f{x)< f(1}=0=g{1}<g(x)= Bat phuong trinh ¢6 nghiém 0 < x <1 Vi
bt phuong trinh ¢6 nghiém
Nhﬁﬂ xét:
- vgibai toan nay cdc em cin thuc hién cic budc sau:

4+ Dit di€u kién x4c dinh cho bdt phucng trinh

X x—1

—1 hoa 3 log, x <
odc wlog, x

x=3 2 7 x-3

<6 hai vé 1 hai ham don dién ngugc nhau. Tl d6 sit dung tinh don diéu clia hai ham s8 dé chi r=

+ Xétcactrudng hap d€ chuyén bt phuong trinh vé dang % log, x >
gp nghiém ctia bat phuong trinh.
1

2 1 2 2 1
1. x+= X— | .
+I=I(x+1——)e Icixzfe xdx+j(x——)e Tdx=1+1,
1 * 1 T X )

2

- Pit H=e N
dv=dx

1 1 vt
o du=|1——|e “dx

1
. oa -
- Khi do Ii:xgl x

+SuyraI:I]+12=n3~e ~L+I7:ée
2 2

Nhin xét:
N ) hAE) I3 Ly I3 " g = 1 , ' ~ fa1 T 1 A
Véibai todn nay cdc em nhan thiy rang dao ham cha [ X+ i] nhan véi x bang [x— m] nén

X X
|

- +— I L33 .
cac em tach tich phan ban d4u thanh hai tich phin 1, = J. ¢ tdxval,= _f(x—l)e *dx . Trong dé
1 1 *

r A a » - . ~ » qz - Fe .-. 2 A
tich phéin 1,1, khéng tinh dugc nén dua vao nhén xét & trén cdc em thuc hién phuong phép tich
phan titng phdn dé dda I, vé mot tich phan triét tidu véi 1, .

+ Ta thdy hai di€ém A, B ndm vé mot phia clia mit phang (P). Goi A’ 13 diém ddi xding véi A
qua mit phang (P) va I 1a giao diém clia AA" v6i mdt phang (P) khi d6 T1a trung diém ctia AA
_ + Dudng thing A&’ di qua diém A va vuéng géc véi (P) nén AA nhan véc to phip tuyén
n=(2;-L1) cha mit phdng (P) 1a véc ta chi phuong

x=—-1+2¢
= AAT Iy =31
z=—-2+1
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+ 1 thuée AA nén 1(-1+263~5-2-1), 1 (P)
= 2(-1420-1.3-D+1(2+D)+1=0 = r=1=1(}2;-1) = A'(350)

+ V6i M bt ki thude (P) ta cé6 MA+MB=MA+MB > AB =611

Suy ra: MA + MB dat gid tri nho nhatla 611 xhy ra khi M |2 giao diém clta AB va mit phang (),
. + Puong thdng AB di qua diém A(3;1;0) va nhin véc td AB = (~6;6;-18) 1am véc to ch
SR phucng nén A'B ¢ phudng trinh

| . x=3-0¢t
‘I AB:4y=1+6¢
| z=—18¢

+ M thudc A'B nén M(3 - 6¢;1+6¢,—18¢)
1
M thudc mit phing (P) nén 23— 61) —1.(1+66) +1.(-18) +1 =0 ¢ = g = M(2,2,-3)
Nhin xét:
Véi bai todn nay cc em cn thuc hién cdc budc sau:

+ Khéng dinh A, B ndm vé cling mét phia ciia mit phang (P)
x=-1+2¢

+ Goi A’ d6i xitng voi A qua (P). Viét phuong trink duong AAT y =3~
z=—2+{

Tim toa d6 giao diém ctia AA v6i (P) 14 1(1;2;-1). Tt d6 suy ra toa do diém A '(3;1,0)

i + Vi M tlay ¥ thuge (P) khing dinh M4+ MB = M4+ MB > A'B. Tu d6 khing dinh ng
: MA + MB min khi M, A, B thing hang hay M 14 giao diém ctia A'B va (P)

‘ x=3-6f
, | : + Viét phuong trinh dudng thing AB:{y=1+67
Il z=—18t

+ Tim toa d§ diém M(2,2,-3)

% | Litu y: Céch tim diém M thadc mit phing (P) sao cho MA+MB min
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. »THL: Néu A, B ndm vé hai phia cfia (P)
. Budc 2: Khing dinh véi M tity ¥ thuc (P) ta c6 MA + MB > 4B.
+ Budc 3 Tong khodng cich MA+MB dat min khi M, A, B thing hang hay M 1a giao diém
cha ABva (P)

*TH2: Néu A, B ndm vé mét phia ctia (P)
+ Budc 4 Liy A d6i xting v6i A qua (P) va khing dinh v6i M tiy ¥ thudc (P) ta ¢6
4+ MB=MA+MB2 A'B.
+ Budc 5 Téng khoang cidch MA-+MB dat min khi M, A, B thing hang hay M 1a giao diém
A ABva (P)

@ s

- 3 .
+ Ta co: (sm“ x+cosf’x) = l—zsm2 2x

+ Khi dé phuong trinh trd thanh:

8[] -%Sin2 2x) +3\/§ sindx = 3\)@0032x —9sin2x+11

&> 33/3sin4x —3+/3cos2x = 6sin® 2x —9sin 2x + 3
& V3 sindx —/3cos2x = 2sin® 2x —3sin 2x + 1
= x/gcos2x,(25in 2x-1)={(2sin 2x —1){sin2x - 1)
&> (2sin2x—1)(\/—3_c052xﬂ—sin 2x+ l) =0
0) _ |:23ir12x—~1=0 {23in2x=1 (2)
| —

1h téngi x/gcoSZx—sin 2x+1=0 sin 2x~—\/§coszx =1 (3)

-~ Nhin xét:
Véi bai todn nay cac em cin thec hién cdc bude sau:

+ Rt gon biéu thic
(sin6 X+ cosﬁx) = (sin® x + cos® x)* ~3sin” xcos® x(sin” x+cos’ x) =1 —%sin2 2x
T F 1) hu b 3 - 2 + ]
+ Khi do phuang trinh trd thanh: 8| 1~ Zsin 2x |+34/3sin4x =33cos2x—9sin2x+11

{dén diy cic em nhin dang d6 la phuong trinh dang téng qudt
)

ST ITT Y T, UL Drp e et n i e e gy
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I

asint+bcost+csin2f+d cos2t +e=0 ¢ac em sé chuyén phuong trinh v€ phuon
| Cu thé cac em nhom 33 sindx voi 3v3cos2x

SEN @coﬂx.(ZSin 2x —1)=(2sin 2x—1)(sin2x —1)

& (2sin2x ~1){V3oos2x —sin2x+1} = 0

+ Gii cac phuong irinh thanh phan suy ra nghiém

x=—+kn
§ GiiQ):2sin2y=1e | 12 (ke
i St
x=—+krx
12
x="tkr
_ Gial (3): sin2x—3cos2x =1 < tkeZ)
X=—=+kn
12
u 6b

2n-+l q 1 2 2 3 3 In+ 1 20+l
+ (l + X) - C2n+l + CZm-IX + (:21'1-}-1X + C2n+lx +.. C2n 1

¢ A2+l 0 1 2 -3 4 2n+l
Cho x=1Taco 2 = C2n+l + C2n+1 + C2n+l + (—’2n+1 + C2n+l T+ +C2n+1 (1)
~ My 0 1 2 2n+l
Cho x = =1 Ta 6 0=Cyyy ~Copyy + Chig = Chnan + Cosg —o— Cot @

. 2n+] ] 3 5 2n+l
+ LAy (1)- ()= 27 :2[C2n+l+c2n+l +Cann +---+C2211]

= 2" =Ch 4+ Ch + Copy o+ Contl 21024 =20, Viy 2n=10

10
| +Taco (2-3x)" = Y (~1) 520 (3x)"
k=0

Suyrahéséciia & la: —Cy37.2% hay —C3,37.2°

Nhin xét:

Vi bai todn nay cdc em can thic hién cic budc sau:

+ Trutdc hét cdc em tim n tli gi thit C;,  +C) ., +C;.. +..+Ci =1024 bing cach xét
khai trién

2n+l, 2n+!

3 +...+C5 X

Zn+l _ 0 1 2 2 3
(1+X) - C2n+1 +CQ:H-IX_FCZn--l--lX _i_CZn-ﬂ)c

Cho x=1Tacé 2" =C) | + ot + Copiy + oy +Canay +on +C2M (1)

2 +]
Cho x =~1 Tacd 0= Cay = Chpuy + Cop = Copay +Cap == Contt @)
+ Tri tiing vé hai bidu thitc (1) va (2) dé tinh dugc C,.,, + C;’,H[ +Ch +et Cott =22

+ Giai phuong trinh 2™ =1024 = n =35
+ Khi d6 cac em dé dang tim dugc hé s6 clia x’ trong khai trién.
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hy m» Goi E 13 trang diém ctia CD, k& BH 1 AE
Ta c6 AACD cAn tai A nén CD L AE

Tuong ty 4 BCD can tai Bnén CD 1 BE

$uy ra CD L(ABE) = CD L BH

Ma BH L AE suy ra BH 4 (ACD)

Do d6 BH = % vA g6c gitta hai m3t phing (ACD) va (BCD) 2 &
= Thé tich clia khéi td dién ABCD la

1 215

Vzg'BH‘SACD: 27

a5 a’J5
3

= Sy =) AE.DE =

o AR DE® = ga“
Mi AE® + ED? = 24°

2 2 5
Khi d6: 4E2, DE? 122 nghiém ctia pt: ¥* —2a’x +§a4 =0

AE? L AF? _sa
3 3

542 hoidc < X

DE* =~ pE* =%
3 3

. . T
Truong hop DE? = 5% IpaiviDE<a (DE=CD/2 < (BC+BD)/2=2a)
Xét & BED vudng tai Enén BE=¥EBD?2— DE? = ?az u% = a"E
. [

Xét & BHE vuodng tai H nén sin & = BH _ i
BE \F
a
Vay goc gitta hai mp(ACD) va (BCD) la & = 45°

Nhin xét;

i
—— = a=45"
V2

Vi bai todn nay cac em cn thyc hién céc budc sau: :
@t o +Khing dinh géc gitia hai mt phing (ACD) va (BCD) la AEB =, khoang cach tit B dén
- (ACD)1a BH = ??_,,, _
3 1 V15 a

+ Van dung cong thiic thé tich clia ti dién ABCD: ¥ = EBH.SACD =5 vati BH =

5

&

ACH

2

~g -4 Vs & AE’.DE* =
3

+ Van dung pitago trong tam gidc vadng AED ta c6 AE 2+ Ep? = 2q°

+ Tt do suy ra AE?, DE* 1a hai nghiém ctia phiiong trinh béc hai
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2 2

S A =2 AE” = 5;

¥ =2a'x+Za* =0 = 3 , hoidc ,
? pE? = 2% pE* =2

3 3

Trdong hop DE? = 2= Iaatvi DE<a (DE= CD/2 < (BC + BD)/2=a )
+ Van dung hé thitc lugng trong tam gidc vuéng BEH suy ra

4
sina =50 _ V31 = g = 45"

BE Q\F*TE
- 3

Luu y: Cdch dung goc gitia hai mdt phing (P) va (Q)

(P}
+ Budc I: Xac dinh giao tuyén d chia hai médt phing (P) va (Q)
+ Butde 2. T mot di€m M trén d 1an Iugt ke hai dudng théng a, b ndm trong (P),(Q) va vuong
goc véi d :
+ Bude 3: Khang dinh goc (P),(Q)) = (2, b)

O - X-y+2=0 C

+ Vi AC vudng géc BD nén S, =%AC.BD = ';13"‘4(32

+ Theo gid thiét ta c6 : %AC2 =18 AC=6
+ Trong tam gidc vudng can ECD ta cé: EC =d(E, CD).\E = ‘3 _\/1_+ ZJ \/5 =4
+ Vi C thudc dudng thang CD nén C(t;t+2) 2
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+ EC=4 & EC’ =16 (-3 +(1+1) =16

t=-1 {t/m)
@L=3 (Loai)

V6L = -1= C(=1;1) = D(3;5)

%Tacé:El—j =-2EB=B(3;,~1)=BC:x+2y-1=0

Nhin xét:
V6i bai toan nay cac em cén thyc hién cac budc sau:
+ Khang dinh Sz = % ACBD = % AC? vi ABCD la thang cin va c6 hai duding chéo vudng gbe
+ Tt gia thiét S, =18= AC=6

3-1+2
+ Tam gidc ECD vudng cintaiEnéntacéd EC= d(E,CD).xE = ‘___i\/’i =4

V2
+ Goi toa d6 diém C theo tham s& t. St dung EC =4 ta thiét lap phitong trinh va tim dugc
1 t=—1 (t/m)
L £=3 (Loa)

= C(-L;1)=> D(3;5). Tt ED=—2FB=>B(3;-1)=BC:x+2y~1=0

b > ek vzl

b 4PI e 2D+ -DE =x(m +D)
L & Gy +D(x -1+ (x-1)? =0
i & (x=D[ 'y +2x-1]=0
x=1=y=-~1 (m)
And 2
X y+2JCf1=0
1-2x%

+ Vol y+2x-1=0 y= (Do x = 0 khéng thoa man). "lthay vao phuong trinh ta dugc:

2
X

- —2
1+ 25— 207 [l fx=4x3[l f}mx?
X X

2
142020 = dx(i- 20+ 7 @[MJ Y |
* x ) Tl
¢>(X»1)2—-2x2x___1=0 - x—l[x 1_2):0
X x x
x—1
—=0 x:1:>y:—1 (t,."m)
T e|x=-1=y=3 (tm)
X— -9 :
X x=§=>y=3 (t/m)
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o>
e+ Tir gid thiét 0<x y z<3 suy ra
4+2n(l+x)-y >0, 4421+ y)—2>0va 4+2n(l+z)-x>0

+ Theo BDT Cési ta co:
P>

9
4+21n(1+X}*y+4+21n(l+y)—z+4+21n(1+z)—x
3 9
12 +[2h1(1+x)—x]+[21n(1 +y)~y]+[2]n(l +z)—z]

I 1 1 1 1 1 9
Vi(a+b+eo) —+- 4= 29—+t >
i( )[a b c) a b ¢ a+b+c)

+ Xét ham s6: f(t):Zln(1+t)~t,te[0;3],
1—-t I-t

) =—, fi i) =0 "4 _ t=1

© i+t ® et 0=

+ Béng bién thién:

—co ] 1 3 +eo
f'{t} + 0 -
2In2-1
f(t)
0 4In2-3
+ Tit BBT ta dugc; 0<f(t)<2m2-1
9 3

Dodd: P>

2 -———_ Viy: minP = S khix=y=7=1,
2+f(X)+£(y)+£@) ~ 3422 3+21n2

Nhén xét:
Véi bai todn nay cdc em can thyc hién cdc buge sau;

2 Z 2 3
+ Van dung bilt ding thie 4°, 87 € (4+B+C)*
Xy oz X+y+z
9

= :
4+2h1(1+x)—y+4+2h1(1+y)—z+4+2h1(1+—z)—x

vOi moix, v, z duong ¢ ¢ dugc

P

+ Quan sat bidu thie dudi may cic em thdy xuit hién ba bifu thic
[2 In(l+x)-x[,[2In(1+ y)— v, [2In(l+2)— z| nén céc em sty dung phép xét ham s¢
f(t)=2ln(1+1)-t, te[0;3],

+ Lap bang bién thién ta & dugc 0< () <22 -1 tiy do suyra

P> 4 = 3
l2+f(x)+f(y)+f(z) 3+2in2
+ Khing dinh minp = ___3 ykhix=y=z2=1,
3+2In2
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a:ghi nha nhiing tU khoéa quan trong. Gittp em én tap nhanh nhat trong thdi gian nudce rit,

Cdc em hay uu lai 48 d& dang 6n tép nhé.

TRTBBIY covvvvrseesvcensomsenseesmmsassaseseessenn
S6 diém dat QUOC wneenasssssssnn/ 10

__ Nhingcausai. - | Thubcchidénao

...................................................................... R ] B DL E T T P PP PP,

kinh nghiém gi tir nhiing cau sai
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That khong qud kho de dugc vui vé
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% {1,5 diém). Cho ham s6: y = %xs —2x" +3x —% (1) ¢6 d6 thi (C,,), véi m 1a tham sé.

a) Khao st vi vé d6 thi (C) chia ham s6 (1).

& 1 4 ¢ Y .

b) Tim m dé dudng thing d : y = mx -3 cit d6 thi(C) tai 3 diém phan biét B, M, N sao cho
P c6 dinh va théa man Souy = 2S0my .

Diép s6: m = ;
m# {0,5 diém). Tim gi4 tri 16n nhit, gi4 tri nhd nhét clia ham s6 y =sin’ x —cos 2x + sin x + 2

Pdp so: min"—zi' max =35

ap S0 2? N

CEE > (1.0diém).

a) Cho cacs6 phiic z,,2, la cac nghiém cta phuong trinh 2z —4z+11=0.

b) Giai bat phuong trinh sau: 5™ -5 > 24
Pip s6: S =~ -1) U1 5

14, 5 : 4
V1—cos” x.sin x.cos’ xdx

CERE ¢ (1,0diém). Tinh tich phan 1=

= eyl

P 20
Pdp sh: [ =—
P 231

mﬁb (1,0 diém). Trong khong gian véi hé toa dd Oxyzcho mit phing (P) X+y+z—1=0va
hai diém A(1;-3;0),B(5—-1;-2).Tim toa d6 diém M trén mét phing (P) sao cho |MA —MB]|
dat gid trj 16n nhét.
Pdp s6: M(-2;-3;6)

XX (1.0diém).
a) Gidi phuong trinh: sin® x +cos* x = %cot [x + %} cot (% - xj

k
Ddp s6: =t 1T
12 2
b) Khai trién va rit gon bidu thic 1-x+2(1—x)> +..+n(l—x)"thu dugc da thic
P(x)=a, +ax+..+a,x". Tinh hé s6 &, bitring » 13 s& nguyén duong thod man Lz + T 1 .
"

Dip s6: 8.C5 +9.C5 =89.
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: ar 2(1:/?§ diém). Cho hinh chép S.ABCD ¢4 ddy ABCD 1a hinh thoi
‘ -”a V a-\a‘;i, BD{ = zivé cat nhau tai di€m O. Haj mit phing (SAC), (SBD) cﬂngi\m();
g’oc V?’l mdt phang ddy. Biét khodng cach tit O dep mdt phang (SAB) bingaV3 = Ty
tich ciia khéi chép S.ABCD, - gT T mht}
3
3
aV3 (dvtt)
3
C (1,0 ﬂll!lm).0 Tr}clmg mdt phing Oxy cho tam gidc ABC véi A(1; -2) dudng cy
&= Y+1=0 phan gidc trong Bx 2. =0.T1 b cac dinh B.C va r
et e B g v+)+5=0.Tim toa d6 cac dinh B,C v tink digy

Dip s6: v =

£ olbe . 13
Pdp 56: B(-4;3), C(-—=; ﬁg) 0 8 e = ) {(dvdi)
4 1 4
o . x*+yiy Sxy =16
2 > (1,0diém). Giai phuong trinh Xty B
Pip sé: (1;3) X +xx+y-3=0
QLIALX * (1,0diém). Cho «, hzduongvax+y+1=z Tim GTLN cta P = ry
-— Xy
(x+yz)(y+zx)(z +xy)

L. _4
Ddp 56 PMax“',;i“g_kthZY:Z,Zz-s.
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Hay cov de tat site nhu mot lan thd that, cic em hay viet loi gudd that cdn than
nhe. Co the 56" trang gudy khong &, em hay lm v kep vao sch d¢ de dang on
tp nhé. Hay bam thin gian v tw thuing cho mink néi dat dién cao nhé.

Chaic em thi tot!
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3 (1,0 diém).

{au4(1,0 diém), Tinh tich phén 1=

_:téu9(1,u diém). Giai phuong trinh

 pEsO8 BO DETHITHPT QUOC GIA CHUAN CAU TRUC BO GIAO DYC
_ o fhi gm 1 trang Mdn: Todn hoc
* kKA K Thesi gian 1am bai: 180 phut, khéng k& thai gian phat dé

Gau1(1,5 d@iém). Cho ham s6: y = 21

x+1
" a)Khiositvave dé thi (C) cia ham sé.

b) Tim m d€ dudng thing @ : y = x+m cit (C) tai hai diém phin biét A, Bsaocho AB = 242 .

: s I r L] . » 1 A a3
Cau2(0,5 diém). Tim gid tri 16n nhdt, gia trj nhd nhat (néu cé) clia ham s y =x+— trén nita

X

- khoang (0;2].

-]

~ " a) Tim s6 phiic z biét =1va 2+5—5£ dat gi4 tri nhd nhat.

z—2i

~ b) Giai phuong trinh: I+log ; Vx®—4x =2log, [4(;( - 3)2] +log (x+2)

-4

dx+1+c0s82
X CO8 xdx

Py £ |

. 1+sin2x

-;--_{éu 5{1,0 diém). Trong khéng gian v4i hé toa do Oxyz, hiy xac dinh toa d¢ tim va ban kinh dudng

~ tron ngoai tiép tam gidc ABC, biét A(-1; 0; 1), B(1; 2; -1}, C{-1; 2; 3)..

Gu6 (1,0 diém).

. . . . - 2 . ,TI‘,-
- &) Tinh gia trj chia biéu thic P :m bidt cosxrg va ——E< x<0,

cos3x—cosx
'b) Trong mén Vat Li 12 thy gido ¢6 40 chu hoi khac nhau gbém 5 ciu héi khé, 15 cau hoi trung

" binh, 26 ciu hoi dé. Tu 40 cau hoi dd 6 thélap dige bao nhiéu dékiém tra, méi dé gobm 10 cau hoi
“khic nhau, sao cho trong mbi dé nhét thiét phai ¢ dt 3 loai chu 1oi, s8 cu hdi kho khdng nhiéu
f_'hﬂn s0 cau hoi trung binh va s§ cAu hdi dé it nhat1a 6.

G3u 7 (1,0 diém). Cho hinh ling tru diing ABCABC 06 AC = a, BC = 2a, ACB =120°v4 dudng
thing 4'C tao véi mét phing {(ABB'4") goc 30°. Tinh thé tich kh&i lang try da cho va
- khodng cich giita hai duéng thing 4'B,CC" theo a.

- @8 (1,0 didm). Trong he truc toa d6 Oxy cho diém M(1;1) va hai dudng thing d:x—y+2=0

d':2x+y~1=0. Viét phuong trinh dudng tron (C) di qua diém M, ¢6 tam T thude dudng
* thing &’ va ct duding thing d theo mét day cung c6 d¢ dai bing 26

= +yy =y3(\/y 1*&}

2x° ~12y" = xy* (1+ y)

~@u10(1,0 diém). Cho 4 56 thyic ddong a.b.c.d .

TmG 2 bida th A*a3+4(2b3+4c3+d3)
- 1Im GTNN clia biéu thic: (a+2b+4c+d)
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LOIGIAICHITIETVAONTAP

*TXD: D= R\{—l}
* Sy bién thién
+ Gigi han va tiém cén:

lim y =2, lim y =2 = Dudngthing y=2 12 dudng tiém cin ngang cta dd thi ham s

lim y =+%0, lim y=-c0 = Dudng thing x=—1 13 dudng tiém cin diing cha d6 thi ham s6
-1 x—-1'
y'= = = >0Vxe R\ {-1}
(x+1)

Ham s6 dong bién trén mbi khoang (—o0;—1) va (=1;+w)

+ Bang bién thién

X | - -1 +eo
y + +
i
, : +o0 2
i y
; - .i':
“ D thi 1 . A
_ + Giao vdi cac truc toa 46 (U;—I)S{E ; Oj o
o + Xét phuong trinh hoanh dd giao diém clia ol
d va (C): s
2x—1 B
=x+m, x=-I1 - 3
X+ l - 5 - .
< 2x—1={x+m)x+1), x#-1 I :
5 + e O/,///:—'—* j
S gx)=x"+(m—-Dx+m+1=0 (1)
| + d cdt (C) tai hai diém phén biét A, B < Z
A phugng trinh (1) c6 hai nghiém phan biét khdc -1
A>0 - _
ﬁ'{ @{(m b 54(m,+1)>0<:>m2'—6m-3>0<:> m<3-2V3
g(-1y=0 3#0 (ludén ding) m>3+23 i

_____ — https:/Avww.facebook.com/groups/pdfsachluyenthidaihoc/ J
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" Khi d6 hai giao difm 1y A(x;x, +m); B(x,;x, +m) v6i X5%; lahai nghiém clia phuong trinh (1)

- - Theo gia thiét AB=2v2 < AB” =8 < (x, —x)* + (% — %) =8 & (x, —x)* = 4
- '} , ) m=—1 (Tfm)

o rx Y —dnn =4 (-m) —dm+l)=d o m ~om-T7=0 m=7 (T/m)

. N‘h@njcét:

_ payla bai todn tuong giao ciia ham phén thic.

axtb duting thdng d: y = mx +n . Xét phuong trinh hoanh d6 giao

- Chodéthi (C):y=

_ 1 dva (O ax+b
'__:dlemcua VAN v d

+Pudng thing d cat d6 thi {C) tai hai diém phan biét A, B < PT(1) c6 hai nghiém phan biét khac

=mx+n Sax +fx+y=0 (1)

a={
¥ = <9A>0
g(x,) =0
* + Dudng thing d cit d6 thi (C) tai hai diém phan biét A, B thudc hai nhanh cta 46 thi (C) <

o+ 0

- PT(1) c6 hai nghiém phan biét x;x, théamin x, <x, <x, <A >0 X

' (x, —x, Mx, —x,) <0

'+ Dudng thing d cit d6 thi (C) tai hai diém phén biét A, B thudc cing mét nhdnh ctia d6 thi
C) & PT(1) ¢6 hai nghiém phén biét X,;X; théa man X <X, <X, hodc X, <% <X,

' a#0

CSA>0

(%, — x5 Y, — %) > 0‘

+ Ta cd y':l—i9
2

, | x=-1
¥ 20@1——2:0@

X
+ Bang bién thién

X | —eo -1 0 1 2 o

WSS 0 | S/

+ Tii bang bién thién suy ra: I‘{I‘lllii y =2 khix =1 va ham s8 khéng cb gid tri 16n nhat.
. n;z2
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a=2b——
2

B 3b

—
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t
b

Nhan xét:

Diy la bai todn tim min, max trén mét nita khodng nén cac em thuc hién qua cic budc say,
+ Tinh dao ham va gidi phuong trinh dao ham béng 0 tim nghi¢m
+ Lip bang bién thién ctia ham s6 trén niia khodng (0;2]

+ Tt bang bién thién cic em suy ra dugc 1{13121} y =2 khix =1 va ham s0 khong cé gid tril6n nh4;

+Pbat z=a+bi,a,beR

z—1

+

o =l |z-1=|z-2i] @ =2

<:::>(¢:;£—1)?~—i—b2 :(b-'_z)?._I_az <:>a=2b—%:>z=2bu%+bi
Z+§2~—5i}:1/5(b—1)2 +2022/5

1 1
=25 xdy ra khi b=i:>a=—-2~:>z:~2~+;

+

+Suyra

z+i—5i
2

min

Nhan xét:

Vi bai todn nay cdc em cn thyc hién cic bude sau:

+Pbat z=a+bi, a,be R

13 an - ar zZ— ].

+ Tii gia thiét
3

> =1 thiét lap méi lién hé gitia phén thyc va phan do a, b cua 56 phicz
z— 4t :

+ Xdc dinh mddun cha sé phic
= J5(b -1 +20 2245

: i El 3 El e -, ] ]- .
+ Xét dfiu bang xay ra va chi ra $6 phc tiong tng: z = B +i

3
z+ 5" 51} va danh gid GTNN:

3
Z+-——5i
2

X —4x>0 ) o
—2<x<
+ DK {x~-3=0 @[ *
x>4
x+2>0 .
+ PT & L+ log, (" ~4) = log, [ 2~ +log, (++2) |

& 2Ax" —4x) = 2(x+2)|x 3|
& (1 —4xy=(x+2)}x—3| (1)

+Xét x> 4. PT(D & x* —4x = (x +2)(x-3) < x =2 (Loai)

S+\/ﬁ

=7 (Loai)
+ Xér -2 <x<0. PT(1) = ¥’ ~4x=(x+2)(3~x) &
5-473 .
b == {Théa man)
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;

' . piyla bai todn phuong trinh légarit don gidn. Cac em nhan thdy ngay la bai todn nay sé dua
W cullg co s& 14 2. Khi d6 phuong trinh dugc chuyén vé mét phuong trinh chifa ddu gia tri tuyét
6 20740 =205+ D3] ()

 pégiai phuong trinh (1) cac em can pha dau gia tri tuyét doi. Nhu vay ta chia mién xdc dinh
cha phuidng trinh thanh hai mién x > 4 va -2 < x <0 ma trén moi mién nay biéu thic (x - 3) mang
.'.nlflt 1oai d4u nén ta d& dang gidi dwgc phuong trinh (1).

1+sin2x

z
4

1
2—2‘-!-2111 ~2In

1
2

. T
S| X e
( 4]

Suy ra I:£+-§ln2
_ 2 2

0

Nhin xét:
- Véi bai todn nay cic em nhén thdy ring (sin2x)'=2cos2x nén cac em nghi ngay tdi viéc
tElCh tich phan ban d4u thanh hai tich phan J va K,

+ Vigc tinh tich phin K thi rd rang cac em sti dung phucng phép d6i bién s8 c6 dugc tii nhin
Xet ban dau

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/
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+ Viéc tinh - T 4x+1 e — %jﬁﬂl}%—dx thi ta st dung cong thic tich phy, tung
¥l [}

I+sin2x sz(x_'__]
phén véi phép dit 4
t=4x-1
dv = dx

. i
S| x4 -—
4

+Tacd: AB=(2;2;-2), AC = (0;2;2).

Suy ra phuong trinh mit phing trung truccia AB, ACI&: x+y—z—1=0, y+z-3= 0.

+ Vectd phdp tuyén ctia mp(ABC) 1a n = [AB AC] (8,—4;4).

Suy ra (ABC):2x— yp+ z41=0

+Goi 114 tam dudng tron ngoai tiép tam gidc ABC thi toa d6 ['1a nghiém ciia hé:
X+y-z-1=0 x=0

Yy+z-3=0 = y=2
2x—y+z+}=0 z=]

+Suy ra thm dudng tron 13 1(0; 2;1). Ban kinh 13 R = /4 = \/{—1 0 +(0-2) 4+ (1-1)2 =5
Nhan xét:

VGi bai todn nay cic em cin thyc hién cic budc sau:

+ Viét phuong trinh mit phing trﬁng tryc ca hai canh AB, AC

+ Viét phuong trinh mjt phéng (ABC)

+ Goi 1 1a tm duding tron ngoai tiép tam gidc ABC thi I 1a diém chung cia hai mit phing
trung tryc v mit phing (ABC), -

X+y—z—-1=0
+Gidi h¢ phuong trinh {  y+z-3=0 iy toa do [ ti7 d6 chi ra ban kinh R
2x=p+z+1=0
¥ 6.2
+Tacé P 2co-s2x51lnx :_CfJ-SZx
—2sin2xsin x sin 2x

+ 58Iy =-vl—cos’ x = - ]_§:_£ do —£2{<x<0 nén sin x < ()

8
2 1-—
+Khido p—A=2¢08°x 79 5
2sinxcos x 52 NS 20
33
Nhan xét:

V6i bai todn nay cdc em can nim vitng cOng thite hugng giac sau:

https :/Averw facebook.com/groups/pdfsachluyenthidaihoc/
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. Thén Toc Luyén D& THPT Quic Gia Mon Todnhoc - 2=

.2 2.
p sin® x+cOS x=1

1 i 4 gin2x = 2sinxcosx; cos2x =208 x—1=1-2sin’ x = cos’ x —sin’ x

: | . X+ y . X - -—
”+cosxfcosy=—28m[ 2y)51ﬂ[ 2}/);sinx—siny:2(:05'.[:'6-;yjsin[”‘E })
2

- 6b
+Goi A la tp hop cdc cich chon dé ¢6 6 ciu hoi dé, 1 cau héi kho, 3 cau héi trung binh.

+ Goi B 1a tap hop cdc cach chon d€ ¢6 6 cau hoi dé, 2 cau hoi khé, 2 cau héi trung binh.
+ Goi C 12 tap hop cic cach chon dé ¢ 7 cau hoi dé, 1 cdu hdi khé, 2 cAu héi trung binh.
+ Goi D H tap hop cic cach chon dé ¢6 8 cdu héi dé, 1 can hoi kho, 1 cau hoi trung binh.
|4]= G C5-C5 = 88179000

[B| = C3,Ci5.C5 = 40698000
IC] = Coy €5 .Cs = 40698000

|D|=C0-Cis.Cs = 9447750
Vay ¢6 tdt cd 179022750 dé.
Nhin xét:
Vi bai todn nay cac em cin chia ra thanh cdc tap A, B, C, D hay cdc trudng hop tuong ting
rdi tinh todn.

{du 7. ;:'_:9

+ Trong (ABC) ké HC L AB (H € AB)= AH A B

- lahinh chiéu ciia AC 1én (AXB) XN
= (A'C,(ABAY) = (AC, A H)y=CA'H =30°
+ Trong tam gidc vuéng ABC:

: . 2
Tinh dugc AB = a7, CH = a\i_l
' + Trong tam gidc vudng ACH:

2a«/ﬁ
7

Tinh dugec 4'C =

[ n 2 A
+ Trong tam gidc vudng AAC;
Tinh duge 4' A= “‘E
3 f
=V, =AA'S,,. = “‘é— a2asin120° = 13105 (dvtt)

+ Do BB//CC’ = d(A 'B,CCY=d(CC' (ABB' ") = d(C',(ABB" 4))

] 105
+ VC'ABC = EVLT = 4 (dvit)
% a <105 33\:‘105 a’ 105
= Veumpa = 14 - 47 (dv tt)

e
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+ Mt khac Vo gy, =S d(C" (4BB AN).S s
@’ V105

Veusna _ a1

3 7
= d(C',(4BB 4") = = =
S inp s a\/% aﬁ 7
-

av21
7

(dvdd)
Nhén xét: E

Suyra d{A'B,CC N=

Diéy la bai toén thé tich khéi lang tru. Cic em cin nhé cong thitc thé tich cha lang try triyy |
nhdm 1an v6i cong thic thé tich cia khéi chép. V,, = B v4i B la dién tich ddy clia ling try va}, F
la d¢ dai chidu cao cita lang try.

+ Goi diém I(e;[-2a) e "
+ Goi H1a hinh chidu ctia11én d, goi A, Bla giao
diém ciia dudng thiang d véi dudng trén (C) can tim

3q+1
= BH = AH =/6; d(f;d):fff:_‘ at]]

+IM = 14" = (a~1)" + (2a)? =5a° - 2a +1 = R%;

do I =’ + AH* & a® ~10a-11=0
C;)I:a =-1=1(-L3); R =8 =(C):(x+1)*+(y—3) =8
a=11=JA1-21)R* =584 = (C) 1 (x—11)* +(p+ 21)* = 584
Nhan xét;
Vdi bai todn ndy cdc em cin thyce hién cic budc sau:
+ St dyng tim I thudc duong thang d’ nén goi toa-do 1 theo tham s6 a: I(g;1- 2a)ed'

+ Tl AB =26 va tam gidc IAH vudng tai H cdc em sit dung dinh li Pitago thiét lip phuong
trinh 14na: ¢’ ~10a—11=0

+ Gidi phuong trinh tim nghiém a, i d6 suy ra ph tfdng trinh cdc dudng tron tiong ting,
(C): (x+1 +(p—~3)* =8 va (C): {(x ~11)? +(y+21) =584

DK 0=yx-1 > |
y

(i] ——(y+1)3=ﬁ/y+1_\/~;— [ﬁj +\/E:(y+1)3+1,-‘y+1 {1)
+ HPT < ; 4 < 7 ; Y
2(35] ~12=2(p4 2[% ~12=2¢p 41 )
y y B y
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Loxey

s Xéthamsd f()=F 4+t = 1) =34 50 ve>0 Nén f(2) 13 ham s6 ddng bién
N 2t
- rén [05+0)

VE?IY(Dbe{\]%J:f(\U"H)@\/%=\r’y+l.Thayvéo(2)tadet_jc:Z{EJ —[i] ~12=0

v) \y
2
X
g(i-zJ 2(—] 13546|=0 20 p41=2
y y) y

X
Viy 3V <> x=2;y=1(tm) = Ké Inin: Nghiém ctia phueng trinh (xy)=(2,1)
y+l=2

- Nhan xét:

Vi bal todn nay cac em can thyc hién cac buéc sau:

+ Tit phudng trinh thit nhdt cia phitong trinh chia hai vé cho y* cac em sé thiy xudt hién

. ngay ham déc trung f(r) =1’ +t, 10, Déy la ham dong bién vi f'(z) =3/ + 1 >0 Y0

2V
X
+Tido :>\/E=\/y+1<:>£:y+l
y

3 2
-+ Thé vao phuong trinh (2) cic em thu dugc phuong trinh bac 3: 2[£J - (ij —-12=0
Y Y

-2

+Gidi phuong trinh tim ¥ < x=2y=1(m)= KL..
y+1=2

Luu y: Vi bai todn nay céc em co thé thyc hién phép dit dn phy ‘/E =a20y+l=b20
i g

| déhe phutong trinh gon gang hon,

@ ta=b+b (3)
26’ —12=a"b (4)

. +y) : \
+Tacd vr>0;y>0: x'+y° :_>(—K-4Y—) (1) (do (1) < (x-y)’(x +y) 2 0). DAu bdng x4y ra khi

+ Ap dung bit ding thic (1) ta co:

3 3 5
a3+8b32w”—“>613+8b3+16c32(a+2b) +I6CS:(Q+25) +(4c)’ 2(a+2b+4c)3
4 4 4 16
3
:303+853+1603+4d3ggfj:%Zfﬂfl_+4d3
= 64> AT 2D +4c) +64d°
T (a+2b+dc+d)
1 3
+Djt a+2b+derd =50 1642 C D A o o dy
X X x
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DR =0 O 1642 (-1 +646 = ()= £ () =X-(1-0F +647) .,
X

g
t 0 1/9 1
fit) - 0 4
f(t) \ /
64/81
4

mAzf(r)zg—‘j' Vi) Az

a=2b a=2b

Déiu bang xdyrakhi: a+2b=4c e cb=c a=20=2=2d>0
d 1 d 1
x 9 a+2b+derd 9

4
V&Y A =a khi a=2b=2¢=2d >0

Nhan xét:

Vi bai todn ndy cac em cin thiic hién cdc budc sau:

) =
+ S0 dung bét dang thifc : x*+y* 2 L)E-;y—),‘dx > 0;p >0 (1) d€ danh gid bifu thic trén

tl clia A vé bifu thiic miu

3 3 3 3 3
a3+8r’332(a+—42m~:>a3+853+16c3EM)_+]6CS:(‘I+25)4+(4C) 2(a+21,{’;'6+4.c)
k]
:a3+8b3+16c3+4d32&%3?i£7L+4d3
164> (@t 2b+4c) +64d°
"~ (a+2b+4c+dy

+ Dé€ cho bai todn gon gang céc em nén dit dn phy béing cich dat a +2h+4c+d = x>0

433 3 k) k]
Tit d6 bidn d&i 164> F -9 +64d” _ [1 —5] . 64(5{]
X X X

+ Dé cho bai todn gon gang hon cac em tiép tuc didt &n phu bing cch dat £ =—; £ € (0;1)
x

Khi d6 =164 2 (1-¢) +64¢ = f(¢). Tim gid trj nho nhét ctia ham s6 f(!) trén khoang

(0;1).
S T2 o Tt e 1ot 64 4
Tt bang bién thién alﬁAZf(r)za Vie (0= Aza

FVay A, = §4{ khi a=2b=20-2d >0
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L —_—5
. @ Ghi nhd hanh trinh luyén thi Thanh Céng

Hanh trinh luyén thi Thanh Cong sé gilp cac em dé dang 6n tap, phat hién 16 héng kién

thiic, ghi nhé nhiing tirkhda quan trong. Gidp em én tdp nhanh nhat trong thai gian nudc rt,

Cdc em hdy luu Igi dé dé dang 6n tdp nhé.

Nh{ing cau sai

...............................................................................................................

- Ratkinh nghiém gi tir nhing cau sai

T R R P P P P P P PR TP T ey
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2x+1

(C)

x—1

(175 diém}- Cho ham 56: y=

|
) Tim m d€ dudng thang A di qua difm I{1;2) va cd hé 58 goc m cit dé thi (C) tai hai diém ‘
A, B sao cho tam gidc MAB vudng tai M(0;5), ;

...... 1
ap_so. ) 1
(0,5 di€m). Tim gid tri 16n nhdt, gid tri nho nhit (nfu ¢6) cia ham s§ y =X+ 1 trén

LEITP

Fa

2 : x
(¥ (1L,0diém). Tinh tich phin 1 = [ (X300

, l+cosx

# (1,0 diém). Trong khong gian toa d6 Oxyz, cho cic diém A(1; 0;0) B(2; -1;2) C-L L -3)
-va dudng thing A . *=1_y_ 2_2, Viét phuong trinh mat ciu ¢6 tim thudc duong thang
A, diqua diém A va Gt mzfitz phﬁnzg (ABCY) theo mdt dudng tron sao cho bdn kinh duong tron
nhé nhit.

Ddp s6: (x—2)°+(y+2)°+2* =5.

XX (1,0 dicm).
2) Tinh gid trj cita bigu thisc p = SIoxrSmaxtsing . 1.
2

4 cos3x+cos2x+cosx
Dﬂlp 36‘: P= —S‘

b} Trong mét chi doan ¢6 7 hoc sinh nam va 4 hoc sinh nit vy t4 ( trong d6 chi ¢ 1 hoc sinh

ham tén Cuting va 1 hoc sinh nit tén Hoa). C4n 1dp mét ban can su 1dp tit 11 hoc sinh d6, gom 6

. ngudi véi yéu clu c6 it nhdt 2 nii ngoii ra khong cé mdt ddng théi cd Hoa va Cuong, Hoi ¢o bao
nhiéu cach,

Dép s6: 260 cach
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EeTER » (1,0 diém). Cho hinh ling tru ditng ABC.AB'C’ c6 ddy ABC fa tam gidc g _
AC = x, ACB = 60°, duding chéo BC’ cira mijt bén BB'C'C tao voi mit phéng (4CC"4 ) gnc
30°. Tinh thé tich khéi ling try d4 cho theo x.

Pipsé: V=x'6

" E¥ » (1,0diém). Trong hé tryc toa d6 Oxy cho dudng tron (C) xt+ ¥ —2x+4y+4=0.Vig
phuong trinh dudng thing & song song véi dudng thing o :3x+4y -7 =0 va chia dudng
tron (C) thanh hai cung ma ti s8 d6 dai bang 2.

15
Pép s6: A:3x+4y+~é~=0, A:3x+4y+%:0
32y-3
(x+y—3)\;2xm3:_.._;_
2x-3
(x—yW2y-3= 4

€KX » (1,0diém). Gidi phuong trinh

3 3442 12427
xZE X == 5 X=——
Pip s6 v v
? y3 | 2 | 12443
2 Y= y=—

QI » (1,0 diém). Cho 3 s6 thic x, 7,z khéc 0 thoa man: x+¥+2z=5 va xyz=1Timgidtr|
16n nhdét cha biéu thiic:

X y z

Dip s6: 1+4ﬁ khjx:y=1+\/§,z=3“2\/§hay.x=z=1+\/§,y"—'3—~2\/§
| hodc x=y=3—-2\/§,z=1+\/§ hayx=z=3—2\/§,y:1+\/§
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Hay coi @2 that suic nhee mot [ thi that, cdc em hay viet lo gidi that cdn than
nhé. C6 thé s6 trang @iy khong dit, em hdy lon vix kep viw sdch d¢ dé dang on
.. . . . . |
tap nhé. Hay bim thi gian v ty thutng cho mink néi dat didn eao nhe. |
. Chiic em thi tot!
I s S S |
[ J—— esreesereeeeeeseeess et oo oo et e ettt e et e . i
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dul
N v T T
£
13
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t
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- pESO9 86 DE THI THPT QUGC GIA CHUAN CAU TRUC BO GIAO DU

.....

pithi gdm tirang Mén: Todn hoc
*k KKK Thén gian 1am bai: 180 phit, khdng ké thai gian phat dé

ﬁu 1(1,5 diém). Cho ham s6:y = x*=2(m+1)x* +1 (C,)
~ a)Khiosatvave dé thi (C) ctia ham s6 khi m = 0.

b) Tim m a8 (C,) coba cuctri A, B, C (véi A thudce truc tung ) sao cho & gidc ABMC ¢6
gien tich bing 5+2 v6i M(0,—4).

Gu2(0,5 diém). Tim gid tril6n nhét, gid tri nho nhét cha ham sd y =5cosx—cosSx trén doan [WE : E] .

. 4’4

Gu3{1,0diém). a) Trong mit phéing toa d¢ Oxy tim tép hop cac diém M bicu dién sd phic z théa

man diéu kign |2 =3.
z—1
4
iai ba inh: + >3
~ b) Giai bit phuong trinh: oz, 2 log, ¥
- .
- Chu4(1,0 diém), Tinh tich phin 1= I (x+ sin® 2x) cos 2x.dx
. o
2 1A N s 2 -1 -3
........... * w5 (1,0 diém). Trong khong gian voi he toa 4o Oxyz, cho hai dudng thang A, 152— = y__3 :g

Vi A, X232 272 Timtoa do giao diém chia A, va A, va viét phuong trinh mit phing

4 - . ,
.. {P)sao cho dudng thsftng A, la hinh chiéu vudng goc cta dudng thing A, lén mat phang (P).

- (au6(1,0 diém).
| a) Gii phuong trinh higng giéc: tan’ x+1=

(2 —sin® 2x)sin3x

0084 X

n
b) Tim hé s6 clia x* trong khai trién nhi thuc Niuton [% + ,33) , x #0 bi€tnla so tu nhién
 théaman diéukién: C),, +C2, +o 4 Chp =20 =1 N

Tu+l In+l Imil
* (37 (1,0 diém). Cho hinh chop S.ABCD cé déy ABCD la hinh vusng, Dudng thang SD tao véi

(ABCD) mét géc 60°. Goi M fa trung diém cia AB. Biét MD =§~\f2ﬁ, mdt phing (SDM) va

mit phing (SAC) ciing vudng géc voi déy. Tinh thé tich ctia hinh chép S.ABCD va khoang
cach gitia hai duding thdng CD va SM.
- Gau 8 (1,0 diém). Trong miit phing véi hé toa do Oxy, cho hai di€m 4(1;2); 8 (3;4) va dudng thing
d :y-3=0. Vi& phuong trinh dudng tron (C) di qua hai diém A4, B va cat dudng théng
d tai hai diém phan biét M, N sao cho MAN = 60".
Cau9{1,0 diém). Gidi bt phuong trinh v3x" —12x+5 <& —1++x" - 2x
(3u 10 (1,0 diém). Cho X»)>Z 1A c4c s6 thuc dudng théamén y +z = x(}’z +2 ) .
1 + 1 N 1 N 4
(1+ x)2 (1+ y)z (1+ z)2 (1+x)(1+¥)(1+ z)

Tim gia tri nh6 nhét cliabi€u thiic P =
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LOI GIAI CHITIET VA ON TAP

+TXD: D=R
* Su bién thién
+ Gidi han: xl.iE}ny = +o0, 31’1110); = +a0 i
+ Chiéu bién thién
y':4x3—4x,y'=0@4x3—4x=0©[x:0
| x==%1
l Ham s6 dong bién trén méi khoéng (—1;0) va (1;+00), ham s6 nghich bién trén méi khoang
(—o0; 1) va (0;1)
+ Cuc tri:
Ham s6 dat cijc dai tai x = 0 va gid trj cyc dai bing 1 |
Ham s6 dat cyc tiéu tai x = -1, x = 1 va gid tri cyc tidu béng 0

+ Bang bién thién

X - "1 0 1 +oo
| | yol - - 0 + 0 . 0 +
+20 1 +oo
/ 0 0
* D3 th
’ F 3
24

X
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