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NOI DUNG CAU HOI

Cau 1. Ki hiéu zy, 29 1a hai nghiem phtic clia phuong trinh 22 — 3z + 5 = 0. Gia tri cla |z1| + | 22|

bang
A. 2V/5. B. 3. C. V5. D. 10.
Loi giai.
3 V1l 3 V11
Phuong trinh 22 — 3z +5 = 0 ¢6 hai nghiem 13 z; = 3~ Ti; n=3 + 5 i.
2
3\ (V11
Chon dap an @ O
Cau 2. Diém M trong hinh vé bén la diém biéu dién s6 phiic nao?
A z=1+2. B . z=1-2i. C.z2=-2+414 D.z=2+1. " Y
r---—-—----- 1
5 o] =
Loi giai.
Ta c6 M(—2;1) la diém biéu dién ctia s6 phiic c6 phan thiic bing —2 va phan 4o bang 1.
Suy ra diém biéu dién ctia M 1a sb6 phiic 2z = —2 + .
Chon dap an @ OJ
Cau 3.
Diém nao trong hinh vé bén la diém bicu dién s6 phic z = —142i y
A. N. B. P. C. M. D. Q. Q.__ 2
S
I |
—2 —1 :2 xT
a4 i]\/[
Loi giai.
S6 phitc z = —1 + 2i ¢6 phan thuyc —1, phan 4o 2 nén c6 diém biéu dién toa do (—1;2) chinh 1 Q.
Chon déap an @ O
Cau 4. Tim cac s6 thuc a va b théa man 2a + (b+14)i = 1 + 2¢ v6i 7 1a don vi 4o.
1
Aa=0,b=2. B.azé,bzl. C.a=0,b=1. D.a=1b=2.
Loi giai.
. . . . . a = 1
Tac62a+ (b+i)i=1+2i< (2a—1)+bi=1+2i<
b=2.
Chon dép an (D) O
Cau 5. Ki hi¢u zy, 29 1a hai nghiem phiic clia phuong trinh 22 — 3z + 5 = 0. Gia tri cla |z1| + | 22|
bang
A. 2V/5. B. V5. C. 3. D. 10.
Loi giai.
34+ V1l
2= —
2_3:45=0s X 211.:>|Zl|:|z2|:\/3:|z1|+|22|:2\/5.
g2Vt
2
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Chon dap an @ O
Cau 6. Xét cac sO phiic z théa man (z + 2i)(z + 2) la s6 thuan do. Biét rang tap hop tat cd cac
diém biéu dién ctia z 1a mot dudong tron, tam cia duong tron dé cé toa do 1a
A (1;-1). B. (1;1). C. (—-1;1). D. (—1;-1).
Lai giai.
Gid st z = a + bi, (a,b € R), ta duge
(z+20)(Z4+2) = [a+ (b+2)i][(a+2) — bi]
=lala+2)+0b0b+2)]+ [(a+2)(b+2) — abli.
(2 4+ 2i)(Z + 2) 1a s6 thuan &o khi va chi khi
ala+2)+bb+2) =0 (a+ 1)+ (b+1)3*=2
nén tap hop tat ca cac diém biéu dién ctia z 1a mot dudng tron phuong trinh
(x+1)°+(y+1)*=2
c6 tam I(—1;—1).
Chon dap an @ OJ
Cau 7. C6 bao nhieu s6 phic 2 théa man |2)> = 2|z +Z|+4va |z — 1 —i| =]z — 3+ 3i| ?
A. 4. B. 3. C. 1 D. 2.
Lai giai.
Goi z =z +yi (z;y € R).

Ta co

|2|> =2]z +7| + 4

& 22+’ =4lr| +4
P4yt —dr—4=0, >0 (1)
P +yi+dr—4=0, <0 (2

Mat khac

|z —1—1i] =|z—3+ 31
o 1P+ (= 1P = (2 =3P+ (y+ 3
& 4 =8y + 16
< r=2y+4 (3)

+ Thay (3) vao (1) ta duge

2y +4)+9*—42y+4) —4=0
o 5 +8y—4=0
2 24
- y:5$x:€(nhan)
y = —2= 2 =0 (nhan).
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+ Thay (3) vao (2) ta duge
2y +4)°2+ > +42y+4)—4=0
S5y + 24y +28 =0
y=—-2=x=0 (loai)

- yz—%éazz—g (nhan).

Vay c6 3 s6 phiic théa dieu kién.
Chon dép an (B) O
Cau 8. S6 phiic nao sau day c6 diém biéu dién 1a M(1; —2)?

A —1—2i. B. 1+ 2i. C. 1- 2. D. —2+1.
Loi gidi.
M (1; —2) 1a diém biéu dién cho s6 phiic c6 phan thic bang 1 va phan 4o bang —2, titc 1 1 — 24,
Chon dap an @ 0
Cau 9. Tong phan thiyc va phan 4o ciia s6 phitc z thoad méan iz + (1 — i)z = —2i bang

A. 6. B. —2. C. 2. D. —6.
Loi giai.

S6 phiic 2 ¢6 dang z = = + yi, (z,y € R).

Ta co

iz+(1—i)z=-2 < i(zx+yi)+ (1 —i)z—yi)=—2

&S r—2y—yi=—21
r—2y=20 r=4

= =
—y=—2 Yy =2

Vay tong phan thuc va phan do clia z la z +y =4+ 2 = 6.

Chon dap an @ O
Cau 10. Cho a,b € R va théa méan (a+bi)i —2a = 1+ 34, v6i i 1a don vi do. Gia tri a — b bang

A 4 B. —10. C. —4. D. 10.
Loi giai.

—2a—-b=1 a=3
Taco (a+bi)i—2a=1+31 -2a—bt+ai=1+3i & &
a=3 b= 7.

Vay a —b=3+7=10.

Chon dap én (D) O
Cau 11. Tap hop cac diém biéu dién cac s6 phiic 2 thoa man 2|z —i| = |z — Z + 2i| 1a

A. mot diém. B. mot duong tron. C. mot duong thang. D. mot Parabol.
Loi giai.

Goi z=x+4yi; z,y € R.
Ta c6
2|z —i| = |z —Z + 2i
o 4lz—i* =]z -7+ 2i)

& Aletyi—i? = v +yi — (x—yi)+ 2
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& 4[2°+(y—1)°] =4y +1)°
& 42— 16y =0
& 2P =4y
Vay tap hop céc diém biéu dién céc sb6 phic z 1a mot Parabol.
Chon dap an @ O

Cau 12. Goi S la tap hop céc s6 phiic thoa man |z — 1| = /34 va |z + 1 + mi| = |z + m + 2i], trong

d6 m € R. Goi z1, 29 1a hai s6 phitc thudc S sao cho |z; — 25| 16n nhat, khi d6 gia tri ctia |z; + 29|

bang
A. 2. B. 10. C. V2. D. V/130.
Li giai.

bit z =z + yi, (z,y € R).

Khi dé |z — 1] =34 < (v —1)2 + 9 = 34.

Mat khac |z + 1+ mi| =|z+m+2i| < 2m—1)z+2(2—m)y+3=0.

Do d6 tap hgp céc diem M biéu dién s6 phiic z la giao diém ctia dudng tron (C): (v —1)% +y? = 34
va dudng thang d: 2(m — 1) +2(2 —m)y + 3 = 0.

Goi A, B 1a hai diém biéu dién 21, z5. Suy ra (C)Nd = {A, B}.

Mit khac |z, — 22| = AB < 2R = 2v/34 do d6 max |z, — 2| = 2v/34 & AB = 2V/34 < 1(1;0) € d.

1 21 =6+ 31
Tedom=——=néntacod: 3z —5y—3=0=
2 zg = —4 — 3.
Vay 21 + 2o = 2.
Chon dap an @ O
Cau 13. Cho s6 phiic 2z théa man zZ = 3 + 2i. Tim phan thyc va phan 4o ctia sd phiic 2.
A. Phan thyc bang —3, phan 4o bang 2. B. Phan thyc bang 3, phan 4o bang 2.
C. Phan thyc bing 3, phan 4o bang —2. D. Phan thyc bang —3, phan 4o bang —2.
Loi gii.
ViZ=3+2i= 2z=23—2i. Do dés6 phiic z c6 phan thuyc bang 3, phan 4o bang —2.
Chon dap an @ O
Cau 14. Cho cac s6 phiic z théa man |z| = 2. Biét ring tap hgp cac diém bi¢u dién sé phic
w =3 —2i+ (4 — 3i)z 1a mot duong tron. Tinh ban kinh » ctia dudng tron do.
A.r=5. B. r = 2V/5. C. r = 10. D. r = 20.
Loi giai.
Cach 1:

2 . r+yt—3+2 4or—-3y—18 3x+4y—1.
1a suw =22+ Yyt z 1_3; 95 + 95 ?

Theo bai ra ta co

=2 o \/(4x—3y—18)2—1—(3:@’—1—4y—1)2 _,
25

& (4 — 3y —18)* + (3z + 4y — 1)> = 2500
& 2?4+ y? —6r+4y+ 13 =100 < (z — 3)? + (y + 2)* = 100.

Vay tap hop céc diém biéu dién s6 phiic w theo yéu cau la duong tron c6 tam (3, —2) va ban kinh
r = 10.
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Cach 2:
bat w =z +yi (z,y € R), ta c6
w=3-2i+4-3i)z e w—(3—-2i)=(4-3i)z
S w— (3 —2i)| = (4 — 3i)z|
& |(z—3) + (y +2)i| = [4 = 3i[|]
<:>\/x— y—|—22—\/42 (—3)2-2
& (2 —3)%+ (y+2)2 = 100
Suy ra tap hop céc diém biéu dién s6 phitc w = 3 — 2i + (4 — 3i)z 13 mot dudng tron c¢6 tam (3, —2),
ban kinh r = 10.

Chon dap an @ O
Cau 15. Phan thyc va phan 4o ctia s6 phiic z = 1 4 2¢ lan luct 1a

A 1va2. B. 1vai. C. 1va2i. D.2val.
Loi giai.
S6 phiic z c6 phan thie 14 1 va phan 4o 13 2.
Chon dap an @ O
Cau 16. Cho s6 phiic z théa man 2(2 — i) + 13i = 1. Tinh modun ctia s phric 2.

5v/34 v 34

A |z] = —3 B. |z| = 34. C. |z| = 3 D. |z| = V34.

Loi giai.
1— 13

Tacoz(2—i)+13i=14 2= — —~ =3-5i= |z = /32 1 (-5)2 = V3L,
Chon dap an @ OJ
Cau 17. Cho sb phiic 2 = 2 — 3i. S6 phiic lien hop ctia s6 phiic z la:

A z=3-2i B.z=3+2i C.z=-2-3i D.z=2+3i
Laoi giai.
Do dinh nghia s6 phiic lién hgp nén s6 phiic lien hgp clia 2 =2 — 3i 1a 7 = 2 + 3i.
Chon dap an @ O
Cau 18. Trong céc sb phiic z thda man: |z — 1+ 14| = [+ 1 — 21|, s6 phtic z ¢6 m6 dun nhé nhat co
phan 4o 1a

3 3 3 3
A — B. -. C. —. D ——
10° 5 5} 10°

Loi giai.

Dat z =z + iy (véi z, y € R vai*> = —1). Khi do,

lz—1+i| = [z7+1—2i|

& |(z-1D+ily+1)| =[x +1)—i(y+2)
S (-1’ +@y+1)P=@+1)17+y+2)°
& dr+2y+3=0
& ——2:1;—§

Yy = 9

Ta co

=Vr2+yr= |22+ x—§)2— 5<:)3+§)2—|—g \/g
v 2) = 5 50 = Va0
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3 3
rT=—= rT=—=
Déu "=" xay ra khi va chi khi oL e B
= 9y — = -2
(G T A Ti
Chon dap an @ O
Cau 19. Tim hai s6 thuc = va y théa man (3z + 2yi) + (3 — i) = 4z — 3¢ v6i ¢ 1a don vi do.
2
A z=3y=-1 B.x:§;y:—1. C.x=3y=-3. D x=-3y=-1
Loi giai.
Ta co

3r + 3 =4x =3
Br+2yi)+B3—i)=4r—-3i< Br+3)+2y—1)i=4r - 3i & <

2y—1=-3
Chon dap an (A) O

Cau 20. Ki hiéu 2; 25 1a hai nghiém phiic ctia phuong trinh 322 —z+1 = 0. Tinh P = |21+ |zs|.

V14 2 V3 2V/3

A P=—"—. B. P=-. C. P=—. D.P=—.
3 3 3 3
Lai giai.
1 —1v11
a=—fg—
Tac63z22—2+1=0« .
1+:4/11
n- g
1\2 [VIT)® \/T 2/3
Do d6 P = =2 (-) Yo = )
o dé |21| + | 22] \/6 —l—( 6> 3 3
Chondépén@ OJ

Cau 21. Trong mat phang toa do Ozy, tim tap hgp cac diém biéu dién sb phiic z biét |z — (2—3i)| <
2.

A. Mot dusng thang.  B. Mot hinh tron. C. Mot duong tron. D. Mot duong elip.
Lai giai.
Dt 2 =z +yi, |2 — (2= 3i)| = |(x = 2) + (y+3)i| = \/(x — 2)* + (y + 3)°.
Do dé |2 — (2—3i)| <2 & \/(r =2 +(y+3)° <2 (x—2* + (y+3)° < 4

(
Vay diém biéu dién s6 phtic z ndm trén hinh tron c¢6 ban kinh r = 2.
Chon dap an O
Cau 22. Biét rang do thi ham s6 y = 2* — 2az? + b ¢6 mot diém cuye tri 1a (1;2). Khi d6 khoang
cach gitta diém cyc dai v diém cyc tiéu ctia do thi ham s6 da cho bing

A. 2. B. V/26. C. V5. D. V2.

Loi giai.
Duta vao diém cyc tri ta tim duge a = 1; b = 3. Toa do diém cuyc dai A(0;3), toa do mot diém cuc
tiéu 1a B(1;2).
Khoang céach giita diem cuc dai va diém cuc tiéu la AB = V2.
Chon dép an (D) O

Cau 23. Tinh dién tich hinh phing gi6i han béi cac diém biéu dién cac s6 phitc thoéa man

|z+2—id|+]z—4—i =10
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A. 127, B. 207. C. 157. D. Dép an khac.
L&i giai.

Phuong phap:

Tim tap hop céac diém biéu dién s6 phitc bai cho sau dé tinh dién tich hinh phang dude gisi han bai
cac diém dé.

Cach guai:

Taco|z4+2—i|+|z—4—i|=10<|z—(=2+1i)|+ |z — (4 +17)] =10 (%).

Goi z = 2 + yi = M (x;y) 1a diém biéu dién s6 phiic z.

Goi A(—2;1) la diém biéu dién cho s6 phitc —2 + 4 va B (4;1) la diém biéu dién cho sé phiic 4 + i.
Tit (¥) = MA+ MB = 10 nén tap hop diém M la elip c6 A, B 1a hai tieu diém va do dai truc 16n
bang 10.

Taco AB=V62=6=2c=c=3va MA+ MB=2a=10=a=5.
=0V=a>-=52-3F=42=b=4

Vay Sy =m-ab=m-5-4=20m7.

Chon dap an O

)2019 2019

Cau 24. Cho khai trién <\/§ +

Héy tinh téng S = Qg — Qs+ aqg — ag + ...+ A2016 — A2018-

=ag+ a1r + ang + a3x3 + ...+ @019

A. (\/5)1009. B. 0. C. 22019, D. 21009,
Lo giai.
Phuong phap: St dung cong thiic khai trién ctia nhi thic: (a +b)" = S CEanFpk.
ki
2019 o O
(o™ = (v e

2019 2018
2018 2018 | (20192019
= Coug (\/_) + Cao1 <\/_> 4 ...+ Copg - V3z + Coo107

=ap+a1x + ang + a3x +...+ a2019x2019.
(1 khim = 41
i khim =41+ 1
Ta c6: ™ = (leZ).

-1 khim =4[+ 2
—1 khim =41+ 3

\
Chon x =i ta co

(V3+ z‘)mg Z Chyro (V3 ) 201k (2 — 1)

2019 2018
. 2018 2018 4 (12019,2019
C2019 <\/_) C2019 (\/_) i+ ...+ Cypg - V3-i + Coo19?

; -2 -3 -2018 2019
= ag + a1t + a91” + aszl” + ...+ ag018? + Q20197

= ag + ali — ag — (137: + ... —a18 — a2019i.

Chon z = —i ta co:
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(VB i)™ = 3l (VB) (-

2019 2018
_ (0 1 - 2018 2018 20192019
= Cao1 (\/§> — Coo1g (\/§> i— ...+ G- V3 — Cao19

. -2 -3 -2018 -2019
=ag — a1? + ast” — ast” + ...+ aspigt — a2019?
=ap — a1t — az + agi + ... — agois + 0191
2019 2019
:>(\/§+1) —|—(\/§—1) :2(a0—a2+a4—a6+...+a2016—a2018).

673

o929 — [<\/§+ 1>3]673 N [(\/g_ 1)3} _ <8Z-)673 + (_82->673 -0

e 9G — {673 ;673 _ Q673 673 _ () o G — ().
Chon dap an 0
Cau 25 (2D4B1-2). Cho sb phiic z = 2 + 5i. Diém biéu dién s6 phtic z trong mat phang Ozy c6

toa do 1a

A. (5;2). B. (2;5). C. (—-2;5). D. (2;-5).
Loi giai.
Phuong phap: S6 phiic z = a + bi, (a;b € R) ¢6 diém bieu dién s6 phiic trong mat phang Oxy 1a
(a;b).
Cach giai: Diém biéu dién s6 phtic z trong mit phiang Oxy c6 toa do 1a (2;5).
Chon dép an (B) O
Cau 26. Do thi ham s6 nao di qua diem M(1;2)?
A.y:t. B.y=22%—a+1. C.y:w. D.y=—a*+ 222 - 2.
T+ 2 x—2
Loi gidi.

Phuong phap: Thay toa do clia diem M vao cac ham sb.
Céach giai: Ta c62=2-13 -1+ 1= M (1;2) thuoc do thi ham s6 y = 223 — x + 1.

Chon dap an O
Cau 27. Cho s6 phiic z théa man (1 + 2i)z = 6 — 3i. Phan thuc ctia s6 phiic 2 la:

A. —-3. B. 3. C. 0. D. —3:.
Loi giai.

Phuong phap: Giai phuong trinh phtic co ban tim sé phic 2.
Cach giai: Ta c6

(142)z = 6—3i

N 6 — 37
z =
1+ 2
o, - 0-3)(1—2)
(14 2i) (1 —240)
- 6—12:— 31— 6 2
z = = —3i.
1+4
Phan thyc ctia s6 phiic z 14 0.
Chondépén@ 0

Cau 28. Goi 21,2 13 hai nghiem ctia phuong trinh 22 — 2z + 2018 = 0. Khi d6 gia tri bieu thic
A = |21 + 25 — 2129 béng
A. 2017. B. 2019. C. 2018. D. 2016.
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Loi giai.
Phuong phap: Sit dung dinh 1y Vi-ét.
21+ 29 =2
Cach giai: 2y, z 13 hai nghiém ctia phuong trinh 2% — 22 + 2018 = 0 =
2129 = 2018.
A=z + 29 — z129] = |2 —2018] = 2016.
Chon dap an @ O
Cau 29. C6 bao nhiéu sb phitc z théa man |z — 2i| = v/2 v& 22 1a s6 thuan 40?7
A. 3. B. 1. C. 2. D. 4.
Loi giai.

Phuong phap: Goi s6 phiic d6 1a z = a + bi, (a,b € R). Tim diéu kién cia a, b.

Cach giai: Goi s6 phiic d6 1a 2 = a + bi, (a,b € R). Ta co:

2 =2l =VvV2&e |a+bi—2i|=V2ead®+(b-2°"=2 (1)

a=1b

a = —b.

— a=0. Thay vao (1): a®> 4+ (4 —2)° =2 2> —4a+2=0a=1=b=z=1+1.

— a=—b. Thayvao (1): a®> + (—a —2)° =2 2> +4a+2=0ca=—-1,b=1= 2= —1+1.

22 = (a+bi)* = (a® — b®) + 2abi 1a s6 thudn 40 = a> — > = 0 <

Vay, c6 2 s6 phiic z thdéa méan yéu cau de bai.
Chon dap an @ 0

Cau 30. Cho hai s6 phiic z1, 2o thda man |z1| = 3, |22| = 4, |21 — 22| = V/41. Xét s6 phiic z = S

Z2
a + bi, (a,b € R). Khi do [b] bing
A V3 B 3V3 c V2 D V5
3 8 1 1

Loi giai.
Phuong phap:
— Biéu dién luong giac ciia s6 phic.

z z
_%: atl ,227&0.

<2
Cach giai:

Cach 1: Goi A, B lan luct la cac diém biéu dién ctia sé phiic 21, 2s.

S . — P 4+42-41 2
Theo dé bai, ta ¢6 OA =3,0B =4, AB = V/41. = cos AOB = 534 — 3
Dat

z1 = 3(cosp+ising).
=29 = 4(cos(p+ AOB))
= 4(cos(pEta)+isin(p*a)) <04:A/O\B).
2 3 (cos +isinyp)

:>z_2 - 4 (cos (¢ ) +isin (¢ + a))
= Z-(cosgo—l—isingo)(cos(gpia)—isin(goia))
= Z[(cosgp-cos(apia}+sing0-sin(gpia))—i—i(sincp-cos(gpj:a))—cosgo-sin(apj:&)]
= Z[cos(j:a)—i—z sm(:l:a)]:% (cosa tisina).

=b = :l:isma:>\b| ( )
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Cach 2: Ta co6

lal _3 ol _3
2] 4 20| 4
21| = 3, 22| =4, |21 — 22| = V4l = & .
& = 21 = = 21— 2| VA4l a ] V4l
|22| B 4 Z9 a 4
a> + v = § : 2, 12 9
2 o 4 a +b —E
z=—=a+bi(a,beR)= ) & :
22 V4l 2 g2 41
(a—1)2+b2:(T> (a—1)+b_E
9 5)
62:1——a2 V= — |b|:§
& 6 & 16 & 4
16 16 2 “= 73
)
Vay [b] = %.
Chon dap én@ O
Cau 31.
Cho céc s6 phitc z = —1 + 2i, w = 2 — 4. Diém nao trong hinh vé bén biéu y
dién s6 phitc z + w? i . p
A. P B. N. C. 0. D. M. . |
: o
Mo ---+Q
Lo giai.
Ta c6 z +w = 1 + 4, suy ra diém bicu dién s6 phiic z + w la diém P.
Chon dap &n (A) O
Cau 32. Cho s6 phiic z théa man (1 — /3i)?z = 4 — 3i. Modun ctia z bang
) ) 2 4
A - B. -. C. - D. -.
4 2 ) 5
Lo giai.
4— 3 —44+3v3 34+4V3
Cach 1: Ta ¢6 z = Z_ = i \/_+ i \/_z
RESVETE 3 3
—4+3V3  34+4V3 —4+43v3\"  [(3+4/3) 5
Suy ra |z| = + il = CETOVO ) (2 EVe ) U E
8 8 8 8 4
4- 3 14 — 34| 14 — 3i] 5
Cach 2: Ta ¢c6 z = ——=— Suy ra |z| = = = -
e S T e T T e
Chon dap én@ O
Cau 33. Goi 21, 2 1a cac nghiém phitic ctia phuong phap 22 4+ 4z +7 = 0. S6 2173 + Z12, bang
A 2. B. 10. C. 2i. D. 10:.
Lo giai.
Cach 1. Tac6 22 +42+7=0&
2p = =24 V/5i.
Suy ra 17 + 712 = (—2 — V5i)? 4 (=2 + V5i)? = 2.

21—|—22:—4

Z1R9 = 7.

Céach 2. Ap dung dinh ly Vi-et ta c6: {
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Dé thay z; = Z3 v 2o = 71, nén

2129 + Z129 = Z% + Z% = (Zl + 22)2 — 22’122 = (—4)2 — 14 =2.

Chon déap an @

Cau 34. C6 bao nhiéu s6 phtic z théa méan |z — 1| + |z — 2| i + (z 4+ 2) 20" = 1?

A. 4. B. 2. C. 1L
Lai giai.
Goi z = a+bi; (a,b € R)=Z = a — bi.
Ta co: |z — 1> = la+bi — 11> = (a — 1)* + b2,
|2 — %[ = |a+bi —a+ bi|i = \/(2b)% = 2[b],
42019 _ ;4.504+3 _ (2-4)504_2-3 =% = —i,
(z42)i*" = —i(a+bi+a—bi) = —2ai.
Suy ra phuong trinh da cho tuong duong véi:
(a—1)>+ 0>+ 2]b|i — 2ai = 1

bl =0
{(a—1)2+b2:1 {a2—2a—|—b2:0 {2|b|2—2|b|:0 [’ | {a:1
<~ = <~ <~ b

2|b| —2a =0 a = b a = |b|

Vay c6 3 s6 phiic z théa man.
Chon dap an @

O
D. 3.
[ [a=0
b=20
b =1 <
=1
a= bl
a=1
L (b=—-1
U

Cau 35. C6 bao nhiéu s phiic 2z thoa man |z — 1\2 + |z —z|i+ (2 +2)i%1° =17

A 4. B. 2. C. 1.
Loi giai.

Goi z =a+bi; (a,b € R) = Z=a— bi.

Ta co:

D. 3.

\2—1\2:|a—i—bz’—1]2:(a—1)2+b2.

|z —Z|i = |a+bi —a+bi|i = \/(2b)%i = 2b| 1.

(z+72)i*" = —i(a + bi +a— bi) = —2ai.

Suy ra phuong trinh da cho tuong duong véi:

(a—1°+b* 427 —2ai =1

(a—1)°+bv =1 a* —2a+b0* =0 216> — 216 = 0 a=1
& & & Sl =1«

20| —2a=0 a = |b|

Vay ¢6 3 s6 phitc 2 thoa man.

bl =0

A (P

Suu tam € bién soan Th.s Nguyén Chin Em 12
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Chon dap an @ O

Cau 36. Gid st 21,2 la hai trong cdc s6 phiic théa man (z — 6) (8 + zi) la s6 thuc. Biét rang
|21 — 25| = 4, gia tri nhd nhat clia |z; + 323| bing
A.5—+/21. B. 20 — 44/21. C. 20 — 4v/22. D. 5—+v22.

Lai giai.

B
M
H
A
4|-------- I
|
|
|
|
|
|
M() :3
O €T

Gia st 2 =z 4+ yi, z,y € R. Goi A, B lan lugt la diém biéu dién cho céc sb phiic 2, 2.

Suy ra AB = |z — 25| = 4.

*Ta c6 (z—6) (84 2i) = [(x — 6) +yi] - [(8 — y) — wi] = (84 6y — 48) — (2® +y* — 62 — 8y)i. Theo
gid thiét (z —6) (8 + z4) la s6 thyc nén ta suy ra 22 4+ y* — 6z — 8y = 0. Ttic la cac diem A, B thuoc
duong tron (C) tam 1(3;4), ban kinh R = 5.

* Xét diem M thuoc doan AB thoa MA + SMB =0 < OA + 30B = 40M. Goi H la trung diém
AB. Ta tinh dugc HI> = R* — HB? = 21;IM = v/HI? + HM? = /22, suy ra diém M thudc dudng
tron (C”) tam 1(3;4), ban kinh r = /22.

* Ta c6 |21 + 32| = (@1’ + 3(73" - ]40_M’] — 40M, do d6 |21 + 32| nhé nhat khi OM nhé nhat.

Ta c6 (OM),,, = OMy = |01 —r| =5—+/22.
Vay |Zl + 3z2|min = 4OM0 =20 — 4\/ 22.
Chon déap an @ OJ
Cau 37.
Trong hinh vé bén, diém P biéu dién s6 phtc 2z, diém @ biéu dién sb y
phtic z. Tim s6 phtic z = 2z + 2. p
A.1+3i. B. —3+1. C. —1+2i. D. 2+i. T 2
| Q
| 1fp-=-=----- -
!1 O é x
Loi gii.
Theo hinh vé ta c6 21 = —1+4+2t,20 =241 nén z = z1 + 29 = 1 + 3i.
Chon dap an @ O
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Cau 38. Cho s6 thiyc a > 2 va goi 21, 2o 1a hai nghiém ctia phuong trinh 2?2 — 2z + a = 0. Ménh dé
nao sau day sai?

NP < £ 2 21 22 1z s 21 22 1. 2
A. z; + 2 1as0 thue. B. z; — 25 1a s0 ao. C. — + — la s0 &o. D. — 4+ — la so thuec.
22 <1 ) <1

Loi giai.
Xét phuong trinh 22 —2z24+a=0. Tac6 A'=1—a <0 (Va > 2).
Nén phuong trinh ¢6 2 nghiém phitc 1a: 2 = 1+ va — 1525 = 1 — va — 1i (khong lam mat tinh
tong quat).
Ta c6

— z1+2=1++a—1i+1—+/a—1i=2la mot s6 thiyc nén A dung.

— 21—z =(1++Va—1i) — (1 = vVa—1i) = 2/a — 1 1a mot s6 4o (v6i Va > 2) nén B diing.
ALz 1+\/aT1i+ 1—Va—1 _4-2a
zo oz 1—=va—-1i 1++a—1i a

12 mot s6 4o (v6i Va > 2) nen C sai.

Chon déap an @ OJ
Cau 39. Cho hai s6 phiic 2,2, théa man |z1| = |22] = v/3 va |21 — 25| = 2. Madun |2, + 2| bing

A 2. B. 3. C. V2. D. 2v/2.
Loi giai.

(1 Cach 1: Goi cac sb phiic 21 = ay + b1, 20 = ap + bai, (a1, as, by, by € R).
Taco |z1| = /a3 +b3 =V3= a2+ 12 =3, |»| = /a3 + b3 =+3= a2+ =3.
Do dé

|21 — 2| =2 & /(a1 —a2)’ + (b — by)* =2
=4 (a1 — a2)2 + (bl - b2)2 =4 & CL% + b% + CL% + bg - 2@1&2 - 2b1b2 =4
<~ 2a1a9 + 2b1by = 2.

Do d6 |21 + 25| = v/ (a1 + as)* + (by + by)* = \/a? + b7 + a3 + 13 + 2a1a5 + 2b1by = V8 = 2/2.
@ Céch 2: Taco |z — z” = (21 — 22)(F — 7) = |21]* + |2]” — (217 + 2077) = 4
214+ 2 = (21 + %)@+ 3@) = |al + |2 + (217 + 2271) =8
= |21 + 2| = 2V/2.
Chon dap én@ O

Cau 40. Cho s6 phiic z va w théa man (2 + 4)|z| = Z 41— Tim gia tri 16n nhat cta T =
w
|lw+1—1.
4+/2 2 2V2
A D2 B Y2 c. 22
3 3 3
Loi giai.

D. V2.

Nhan xét z = 0 khong théa man gia thiét ctia bai toan.
bat |z] = R,R > 0. Ta c6

z z
241 =—4+1—1 2R—1 R+1)i=—
@+i)lsl == +1—ie 2R—1)+ (R+1)i= =

R
= — =V5OR?-2R+2
|w]

1 5R?2 — 2R +2 2 2 <1 1)2 9 3
= =y T =y 2= =2 Z> " VR>0.
] \/ R VTR TR \/ R 2) T2
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2
Suy ra |w| < g,VR > 0. ta co

2 42
T=lw+1—1 <|w|+|1—-1 §§+\/§:T\/_.
Déang thtic xay ra khi
2] =2
z=2
w=k(1-1i),k>0 &
) z . =—(1—2
2+i)|z|=—+1—1 ( )
w
4+/2
Vay maxT = T\/_
Chon dap én@ O
a A 4 (2_3i) (4_i) N A 3:2 -2 - x 5 2 . ~ - 2
Cau 41. Cho s0 phiic z = 310 . Tim toa do diem bieu dién ciia so phiic z trén méat phang
7
Oxy.
A (L;4). B. (—1;4). C. (—1;—-4). D. (1;—4).
Loi giai.
Ta co
S (2-3i)(4—-i)  (8-3)—(2+12)d
B 3+2i B 3+2i
514
3420

(5 — 144) (3 — 2i)
(34 2i) (3 —21)
(15— 28) — (10 + 42)

944
—13 — 52
= T 4
13
Vay diém biéu dién s6 phiic ztrén mat phang Ozy 1a M (—1; —4).
Chon dap an @ O

Cau 42. Trong mat phang toa do Ozyz, tap hgp cac diém bicu bién cac s6 phtic z théa man
|z — 1+ 2i] = |z + 1 + 2i| 1a duong thang c6 phuong trinh.

A xz—2y+1=0. B. x+2y=0. C.x—2y=0. D.z4+2y+1=0.
Loi giai.
Diat 2 =z +yi (r,y €R) = 7 =2 — yi va M(x;y) la diém biéu dién ctia s6 phiic z.

Ta co:

|2 —1+2i| = [+ 1+ 24

S le+yi—1+2i =z —yi+1+ 2

&z —1)+@y+2)il=[xz+1)+ (2 -y

S E—12+@y+22 = /(@ +12+(2-y)

et —2+ 14+ +dy+4=a?+2c+1+¢> —4dy+4

Sax—2y=0.
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Vay tap hop céc diém biéu bién céc s6 phiic z théa man yéu cau bai toan la duong thing c6 phuong
trinh la z — 2y = 0.

Chon dap an @ O

. ) 1
Cau 43. Cho s6 phiic z = (1 — 24)%. Tinh mo dun ctia s6 phiic —.
z

1 1 1
A —. B. V5. C. -. D —.
5 V5 5 V5
Loi giai.
Tacoz=(1-2i)>=1—4i+4i* = -3 — 4.
N I 1 3 n 4
. “3—4i 25 925"
1 3\ 4\ 1
o1 (2)+ (-1
°l \/ 25) T\5) 75
Chon dap an @ O
~ . N . (PN / 2 ~ 2 - 1 1
Cau 44. Goi 21, 29 1a hai nghiém phiic ctia phuong trinh 2* — 42 +5 = 0. Tinh w = — + — +
21 Z9
i (2229 + 2221).
4 . 4 . . 4
A.w:—g—l—201. B.w:g+202. C. w =4+ 20i. D.w:20+gz.
Loi giai.
21+ 29=4
Theo hé thic Vi-et, ta co
Z1R9 = 5.
4
Suy ra w = ata +i (21 + 22) 2122 = = + 20i.
2129 5
Chon dap an O

Cau 45. Cho sb phiic z thoa |z — 1 + 2i| = 3. Biét réing tap hop cac diém biéu dién ctia s6 phiic
w = 2z + 4 trén mat phang (Ozy) 1a mot dudng tron. Tim tam ciia duong tron dé.

A. 1(2;-3). B. I(1;1). C. 1(0;1). D. I(1;0).
Loi giai.
Goi M la diém bicu dién s6 phic w.
Tacow=2z4+1 2= w2—z

Do d6 |z—1+2i|:3(:>’?—1+2i — 3o lw—2+3i|=6< MI =6, véil(2-3).

Do d6 tap hop diém M 1a dudng tron tam I (2; —3) va ban kinh R = 6.
Chon dap an @ 0
Cau 46. Cho hai s6 phiic z, w théa man |z — 3v/2| = /2, |w — 4v/2i| = 2¢/2. Biét ring |z — w| dat
gi& tri nhé nhat khi z = 2, w = wy. Tinh |325 — wy|.

A. 2V2. B. 4v2. C. 1. D. 6v/2.

L&i giai.
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Ta c6: Yy
— |z — 3v2| = V2, suy ra tap hop diém biéu dién M 8
biéu dién s phitc z 1a duong tron c6 tam 1(3v/2;0),
ban kinh r = /2. 617
— |w — 4v/2i| = 2v/2, suy ra tap hop diém biéu dién N
biéu dién s6 phitc w la duong tron c6 tam J(0; 4v/2), A
bén kinh R = 2v/2. N

Suy ra |z —w| = MN.
Mat khac IM + MN +NJ > 1J
= MN >1J—IM — NJ.

HayMN25\/_—\/_—2\/§:2\/§. -2 0 2 wﬁz
Suy ra min MN = 2v/2 khi I, M, N, J thing hang va M,

N nam gitta I, J (Hinh vé).
Khi do6 ta co:

1320 — wo| = [3O8 — ON|, TM — %ﬁ;ﬁv’ _ gﬁ.

Mt khic ON = O + TN = O + 21J: 30M = 3(01 + I3) = (07 + {1J) = 301 + 217

Suy ra 320 — wo| = [30M — ON| = 301 + %ﬁ— (OI + gﬁn = [201| = 6v/2.

Chon dap én@ O

Cau 47. Tinh tong clia tat cd cac gia tri cia tham s6 m dé ton tai duy nhat sé phic z théa man
dong thai |z] = m va |z — 4m + 3mi| = m?.
A 4. B. 6. C. 9. D. 10.

Loi gii.
Dat z = 2 +yi (7,y € R). Khi d6, diém biéu dién cta z 1a M (x;y).
V6i m = 0, ta c6 z = 0 thda man yéu cau bai toan.
Véi m > 0, ta co

— |z| = m & M thuoc dusng tron (Cy) tam 1(0;0), ban kinh R = m.

— |z —4dm + 3mi| = m?* & (z —4m)* + (y + 3m)? = m* & M thuoc duong tron (Cs) tam

I'(4m; —3m), ban kinh R’ = m?

— (6 duy nhat mot s6 phic 2z théa man yéu cau bai toan khi va chi khi (C}) va (Cs) tiép xuc

5m=m?+m
II' =R+ R ) m =4
nhau < &< [bm=|m*—m| &
II'=|R - R| m==6
m >0
Suy ra, tap gia tri m théa yéu cau bai toan la {0;4;6}. Do do, tong tat ci cac gia tri ctia m 1a 10.
Chon dap an @ O
Cau 48. Cho a,b 1a cac s6 thuc théa man a + 67 = 2 — 2bi, v6i 7 14 don vi do. Gia tri cia a + b
bang
A —1. B. 1. C. —4. D. 5.

Loi giai.

a=2 a=2
Tacoa+6i=2—2b = = =a+b=-—1.
6 =—2b b= -3
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Chon dap an @ O
Cau 49. Cho s6 phitc z théa man (2 + 3i)z + 4 — 3i = 13 + 4i. Mo-dun ciia 2 béng

A. 20. B. 4. C. 2v2. D. V10.
Loi giai.

(2+30)z+4—3i =13 +4i
& (243i)z=13+4i — 4+ 3

& (2430)z2=9+Ti
N Z_9+7i
243
- . (9—1—72‘)(2—32.)
(24 3i)(2 — 3i)
N 18 — 21.4% + 14i — 27i
Zz =
22 + 32
N Z_39—13i
13
& z=3—1

= |z =/32+ (1) =V10

Chon dap an @ 0
Cau 50. Tap hop tit ca& cac diém bieu dién cac sd6 phic 2z thoéa méan
|(141i)z — 5+ =2 1a mot dudng tron tam I va ban kinh R lan luot 1a

A I1(2;,-3),R=+2 B.I(2;-3),R=2. C. I(-2;3),R=+2. D.I(-2;3),R=2.
Loi giai.
Goi s6 phiic z = x + vi.

-y —10z—y)+25+ (x+y) ’+2x+y) +1=4
2207 42y —8x + 12y +22=0

Py —4r+6y+11=0

(r =2+ (y+3)° =2

(A

. Vay duong tron biéu dién s6 phiic z théa man dicu kieén bai toan c¢6 tam 1(2; —3), R = v/2.

Chon dap an @ O
Cau 51. Xét s phiic 2z thda man - 57 la s6 thuan do. Biét ring tap hop céc diém biéu dién cac
z—2i
s6 phtic z luon thuoc mot duong tron ¢6 dinh. Ban kinh ctia duong tron dé bang
A 1. B. V2. C. 22. D. 2.
Loi giai.
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Goi z = a + bi ta co:

z4+2  (a+2)+bi  [(a+2)+bi][a— (b—2)i
z—2i a+(b—2i)i [a+ (b—2)i][a— (b— 2)i]
_(a+2)a—(a+2)(b—2)i+ abi+b(b—2)

a+ (b—2)°
a2—|—2a—|—b2—26_ (a+2)(b—2)—ab.
a2+ (h-2)° a2+ (b—2)°

Dé s6 tren la s6 thuan 40 = ¢6 phan thuc bang 0 = a® + 2a + b* — 2b = 0.

Vay tap hgp cac diém biéu dién s6 phic z la dudng tron tam I(—1;1), ban kinh
R=/(-1)’+12-0= V2.

Chon dap an O

Cau 52. Cho cac s6 phic 21,29,23 théoa man |z] = |z = |z = 1 va

< sz . 3 2 13
234 23 4 23 + 212023 = 0. Dt 2 = 21 + 22 + 23, gia tri cla |2|” — 3|z|” bing

A. -2, B. —4. C. 4. D. 2.
Loi giai.
Do cac gia thiét da cho dang véi moi cap s6 phiic 21, 2, 23 nén ta chon z; = 29 = 1, két hop gia thiét
ta co:
B4tz =081+14+28+23=0& 25 +23+2=0% 23 =—1, thoa man |z3| = 1.

Khi d6 ta c6 1 cap (21, 22, 22) = (1;1; —1) thda man yéu cau clia bai toan.

Khidéz=214+2+23=1+1-1=1= |z =3z°=1-31=-2.

Chon dap an @ O
Cau 53.

Diém M trong hinh vé bén la diém biéu dién s6 phic z. Tim y

phan thic va phan 4o ctia s6 phic z. ) >

A. Phan thyc 14 —2 va phan o 1a 1.
B. Phan thyuc 1a 1 va phan 4o la —2.

C. Phan thuc 1a 1 va phan 4o 1a —2i. —2t----1M
D. Phan thyc 1a —2 va phan 4o 1a 1.
Loi giai.

Diém M c6 toa do M(1;—2) nén z = 1 — 2i.
Vay phan thyc 14 1 va phan 4o 1a —2.
Chon dap an O
Cau 54. Tap hop tat ca cac diém bicu dién cac s6 phiic z théa man |z + 2 —i| = 4 14 dudng tron
c6 tam I va ban kinh R lan luct 1a

A 1(2;-1); R=2. B. I(-2;-1); R=4. C.I(-2;-1); R=2. D.I1(2;-1); R=4.
Lai giai.
Goi z = v+ yi v6i 7,y € R nén diém bicu dién ctia s6 phtic z 1a M (x;y).
Theo gia thiét [Z 4+ 2 — i| = 4 nén ta c6

e —yi+2—i|=4
o VE+22+@+1)>=4
& (+2)°+(y+1)°=16.

Vay tap hgp diém biéu dién s6 phtic z 1a dudng tron tam I (—2; —1) va ban kinh R = 4.
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Chon dép an (B) O
Cau 55. Goi 21, 2, 1a hai nghiem phitc cia phuong trinh 322 — 242 = 0. Tinh T = |z + |z /.
2 4 11
A T=-. B.T:§. C.T=-. D.T=——.
3 3 3 9
Loi giai.
1+\/_z ol = 2
1 = —
Tac6 32> —2z+2=0« 3
1 - \/ 37 2
22 = ’22| = —.
2 2 k
Vay T = |z 2= 4=,
yT=lal +lul=3+3=2
Chon dap én@ O
Cau 56. S6 phiic lien hgp ctia z = 4 + 3i 1a
A zZ=-3+4. B.z=4-3. C.z=3+4.. D.z=3-4.

Lai giai.
S6 phiic lién hgp clia 2 =4+ 3i 1a 7 = 4 — 3i.

Chon dap an O

Cau 57. Cho z 1a s6 phiic thoa |z] = |z + 2i|. Gi4 tri nhé nhat cta |z — 1+ 24|+ ]2z + 1 + 3i| 1a
A. V5. B. 5V2. C. V13. D. v/29.
Lo gidi.
Goi z =z + yi, (z,y € R).
Taco T =|z— 142+ |2+ 143 = \/(x = 1)+ (y+2)° + /(z+ 1)’ + (y+3)> = MA+ MB,
voi A(1;-2),B(—1;-3), M (x;y).
T gia thiét [z] = |2 + 2i| & y = —1.

Suy ra tap hop diém M biéu dién s6 phiic z nim trén dudng thang y = —1, do d6 M (x; —1).

Ta thayA (1; —2), B (—1; —3) nim ciing phia v6i dusng thang y = —1.

Goi A’ 1a diém déi xiing v6i A qua dudng thang y = —1 thi A’ (1;0).

Do d6 T = MA+ MB = MA' + MB nhé nhat khi A, B, M thang hang = M (%;0).

Khid6 T = MA+ MB=MA + MB = /13,

Chon dép an (C) O

Cau 58. Cho s6 phtic z = a+ bi, (a,b € R) théa man 2z + 1+ 3i — |z|¢ = 0. Tinh S = 2a + 3b.

A S =-5. B. §=5. C. S=-6. D. S=6.
Li gidi.
Tacoz+1+3i—|zli=0% (a+1)+ (b+3—Va>+5)i=0
a+1:0 a:—l a:—l
& = 4
b+3—+Va2+b2=0 b+3—vV1+0?2=0 b:?
Suy ra S =2a+ 3b= —
Chondépén@ OJ
Cau 59.
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Diém nao trong hinh vé bén la diém biéu dién ctia s6 phiic y
z=(1414)(2—1)? N 3 M
A. P. B. M. C. N. D. Q.
I I Q
AR hh b :
-3 : : : 4
: -1 1 3
QR —— ~1
P
Lai giai.
Taco: z=2—i+2i —i%=3+1.
Chon dap an @ O

Cau 60. Cho s6 phtic z, biét ring cac diém biéu dién hinh hoc ctia cac sé phiic z;iz va z + iz tao
thanh mot tam gidc c6 dién tich bang 18. Tinh mé-dun ciia s6 phiic z.

A. 2V/3. B. 3v2. C. 6. D. 9.
Lo giai.
Gia stt 2 = a + bi, v6i a, b 1a s6 thue. Goi M, N, P lan lugt 1a diém biéu dién s6 phiic 2,1z va z + iz.
Khi d6 M(a;b); N(=b;a); P(a — b;a +b). Suy ra MN = /2(a2 + b2); NP = PM = Va2 + b2,
Suy ra tam giac M N P vuong can tai P.
TacéSAMNp—lé%(:)%-NP-PM—18©a2+b2—36<:>]zl—\/m—ﬁ
Chon dép an (C) O

Cau 61. Tap hop tat ca cac diém bicu dién s6 phtic z théa méan |z + 2 — i| = 4 la dudng tron tam
I c6 ban kinh R lan luct 1a

A I(-2,-1);R=4. B.I(-2,-1);R=2. C.I(2;-1);R=4. D. I(2;—-1); R =2.
Lai giai.
Goi z =a+ bi, v6i a,b € R. Suy ra Z = a — bi.
Taco|z+2—i|l=4< (a+2)*+(-b—1) =16 (a+2)*+ (b+1)* = 16.
Vay tap hop diém biéu dién s6 phiic 14 dudng tron tam I(—2; —1), ban kinh R = 4.

Chon dap an @ O
Cau 62. Cho sb phitc z = a + bi v6i (a,b € R). Khang dinh nao sau day la sai?
A |z| = Va? + b2 B.z=a—bi. C. 2% 1a s6 thuc. D. z -7z la sb thuyc.
Loi giai.
Ta ¢6 22 = (a + bi)? = a® — b* + 2abi = 2? khong phéi la s6 thuc khi ab # 0.
Chon déap an @ OJ
Cau 63. Cho hai s6 phiic 2z va 2. Trong cac ménh dé sau, ménh dé nao sai?
A lz+2| =2+ |Z]. B.|z-2|=]z||7] C.z-2=z 7. D.z+2=2+7.
Loi giai.
Meénh dé |z + 2/| = |z| + || sai viv6i 2 =1 +iva 2/ =1 — i thi
lz+ 2| =11+ + (1 -4 =2[=2
2|+ |2 = |1+ +]1— i =2V2
=z 42| £ |2 + 7).
Chon dap an @ O

Suu tam € bién soan Th.s Nguyén Chin Em 21 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 64. Mat phéng c6 phuong trinh nao sau day song song véi truc Oz?

A y—224+1=0. B. 2y+2=0. C.2xr+y+1=0. D.3z+1=0.
Loi giai.
Ta c6 truc Ox c¢6 véc-to chi phuong 1a 0= (1;0;0).

Goi (P1):y—22+1=0,(P):2y+2=0,(P3):2x+y+1=0,(P):3z+1=0.
Khi do, (P1), (Ps), (Ps), (Py) ¢6 véc-to phap tuyén lan lugt 1a

1 =(0;1;-2), 7, = (0;2;1), 75 = (2;1;0), 74 = (3;0;0).

Ta thay 71 - @ = 0 va 0(0;0;0) & (P) = (P,) || Ox.
Chon dap an @ O

Cau 65. Goi 2 1a nghiém phiic c¢6 phan 4o duong ctia phuong trinh 2% 4 6z + 13 = 0. Tim toa do
diém M biéu dién s6 phitc w = (i + 1) 2;.

A. M(=5;-1). B. M (5;1). C. M (—1;-b). D. M (1;5).
Loi giéi.
z=—-34+22
Taco 22 +62+13=0«
z=—-3— 2.
Vi z; 1a nghiém c6 phan 4o duong nén z; = —3 + 2i.
Tacow=(i+1)(-3+2i) =—-5—1i= M(-5;—1).
Chon dap &n (A) O

Cau 66. Tap hop tat ca cac sd thyc z khong théa man bt phuong trinh 3779 4 (22 — 9) 57+1 > 1
14 mot khoang (a;b). Tinh b — a.

A. 6. B. 3. C. 4. D. 8.
Loi giai.
r >3
Véiz? —9> 0« .
r < -3

Ta c6 3579 > 30 =1 vi (22 —9) - 5**! > 0 nén théa man bat phuong trinh.
Véiaz? —9<0& -3 <z <3.
Ta 6 372 < 3% =1 va (22 — 9) - 5*71 < 0 nén khong théa man bat phuong trinh.
Suy ra tap hop céac sb thyc x khong théa man bat phuong trinh 1a khoang (—3;3).
Khi d6a=—3,b=3=b—a=6.
Chon dap an @ 0
Cau 67. Tim mo-dun ctia s6 phic z biét z —4 = (141i)|z] — (4 + 32) 4.
1
A |z] = 5 B. |z] = 2. C. |z| =4 D. |z| =1.

L&i giai.
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Ta co

z2—4=(1+4+14)|z| — (44 32)1

oz —4=|z|+i|z| —4i — 3iz

Sz(1+3i) = |z|+4+ (Jz] —4)1i

= |2(1 4 3d)| = ||z| + 4 + (|| — 4) i| (l&y mo-dun hai vé)

2] - V10 = \/(|2] +4)2 + (2] — 4)?

10|22 = 2|z)* + 32

Sl =4z =2

Chon déap an

0

Cau 68. Cho sb phiic z = x + i v6i 2,y € R théa man |z — 1 —i| > 1 va |z — 3 — 3i| < /5. Goi m,

M lan lugt la gia tri nho nhat va gia tri 16n nhat ctia bieu thic P = x + 2y. Tinh ti s0 —.
m

A2 B. L
4 2
L&i giai.

Goi M (x;y) la diém biéu dién sb phitc 2, I(1;1)
la diem biéu dién sb phtic 1+ va J(3;3) 1a diem
biéu dién s6 phitc 3 + 3i.

Theo gid thiét |z —1 -4 > 1 IM>1 M
khong nim trong (c6 thé thuoc) duong tron (C)
c6 tam la I(1;1), ban kinh R = 1.

Mat khac |z —3-3i < V5o JM < V5o M
nam trong hinh tron (C’) c¢6 tam 1a J(3;3), ban
kinh R’ = +/5.

Xét dudng thing d: z + 2y = P
=d:x+2y— P =0.

Vi M € d va M nam trong hinh tron (C’) nén
P nhé nhat hodic 16n nhét khi d tiép xuc véi (C”)
dong thoi M phai khong ndm trong hinh tron

(C).

Duong thang d tiép xic véi (C”) khi va chi khi
19— P|

d(J;d) =R < =5 9-P|l=5s

;) — -

5 14
.= D. —.
C 4 5

r+2y—14=0

S/

P=4
P =14.

V6iP=4=d:x2+2y—4=0. Vi M latiép diem néen JM L d= JM: 2z —y —3 =0.

Toa do diém M la nghiém ciia he {

= M khong ndm trong duong tron (C).

r+2y—4=0
20 —y—3=0

=2
@{ = M(2;1)=IM=1=R
y=1

V6iP=14=d: 2 +2y—14=0. Vi M la tiép diém néen JM L d= JM: 2z —y—3 = 0.

Toa do diém M la nghiém ctia he
2r—y—3=
= M khong ndm trong duong tron (C).
14 7
Vaym=4vaM=14= — = — = —.
m 4 2

r+2y—14=0 {a::4
=
y:

= M(4;5) = IM =5> R
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Chon dap an (B) O
Cau 69. Cho s6 phtic z = 6+ 17i. Diém biéu dién cho s6 phiic z trén mat phang toa do Oxy la

A. M(—6;—17). B. M(—17; —6). C. M(17;6). D. M(6;17).
Loi giai.
Diém biéu dién cho s6 phiic z trén mit phang toa do Oxy 1a M(6;17).
Chon dap an @ O

2 2 ~ 7z 1 2
Cau 70. Diem bieu dién cta so phiic z = 53 trén mat phang toa do Oxzy ¢6 toa do 1a
—3i
2 3
A. (3;-3). B. (—,—) . (3;-2). D. (2;-3).
(3 -3) i C. (32 (2;-3)

Lo giai.

_ 1 _ 2.3
“To-3 1 1”
Chon dap an O
Cau 71. Trong cac s6 phiic z théa man |z — 1+ ¢ = [z + 1 — 2|, s6 phtic z ¢c6 mo-dun nhé nhat
a 3 3 3 3 3 3 3 3

A — 4+ = B. -+ —i. C. — - | D J——

5 710" 5710 5 10 5 10

Lo giai.

Goi z =z + yi, (z,y € R).

lz—1+i=Z4+1-2i] & |z4+yi—1+4+i=|z—yi+1—2i

© (@-1D+@+1)'=(+1)"+(y+2)

&S 2+ 1+2y+1=22+1+4y+4

& dr+2y=-3= (4 +2y)P* =9

3

= 9 (@ 4) ) > [ 2
, 2r+y=-3 Iz—g 3 3
Dang thitc xay ra khi Ty & 3'Vayz:_5_ﬁi'

2 1 ?/:—1—0

Chon dép an (C) O

Cau 72. Cho s6 phtic z théa man diéu kien |22 — 2z + 5| = |(z — 1 + 2i)(z + 3i — 1)|. Gia tri nho
nhat ctia |z — 2 + 2i| bang

A. V5. B. 1. C.
Loi giai.

D.

DO W
Do | Ot

|22 =22 +5| = |(z — 1+ 2i)(z + 3i — 1)
o |(z—1-20)(z—1+20)| = (=1 +20)(z +3i — 1)
S |z—1+2)]-|z—(1=2)=]2—(1=29)] |2+ (=1 + 30)|
lz—(1—-2¢)]=0
|z — (14 2i)| = |z + (=1 + 37)|.
eNéu|z—(1-20)|=0=2=1-2i=|z—2+2i|=|—-1] =1
o Néu |z — (1 +2i)] = |z + (=1 + 31)] :>y:—%. Gia tri nho nhét cta |z — 2 + 2i| bang ;

Nhan zét: Khong can xét truong hop sau, vi trong ciac dap an 1 1a gia tri nhoé nhat.
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Chon dép an (B) O
Cau 73. Tinh tong S =1 + 43 + 46 ... 42016,
A . S=1. B. S=-1. C. S=u. D. S=—i.
Loi giai.
Ta c6 1,4%,4%,...,42%1% ]a mot cap s6 nhan c6 673 s6 hang v6i u; = 1 va ¢ = % nén
1 — (7:3)673 1— ,l'3 . (_,l’>672 1 — Z'3
1—143 1414 1+
Chon dap an @ O
Cau 74. Cho hai s6 phiic 2; = 1 + 2i vi 2o = 2 — 3i. Phan 4o ctia s6 phitc w = 32, — 22 la
A. 12. B. 1. C. 11. D. 12i.
Loi giai.

w =321 — 22 = —1 + 12i. Vay w ¢6 phan 4o 1a 12.
Chon dap an @ O
Cau 75. Cho hai s6 thuc z, y thoa man 2z + 1 + (1 — 2y)i = 2(2 — i) + yi — . Khi d6 gia tri cta
r? — 3zy — y bang
A. —-3. B. 1. C. —2. D. —1.
Loi giai.
2e+1+(1—-2y)i=22—i)+yi—=x
& 2e4+1+(1—-2y)i=4—x+ (y—2)i

20+1=4—=x
4
1-2y=y—2

r=1
=4
y =1
Suy ra 2 — 32y —y = —3.

Chon dap én (A) O

Cau 76. Cho M 1a tap hop cac sb phiic z thoéa |22 —i| = |2+ iz|. Goi 21, 29 1a hai s6 phtic thuoc
tap hop M sao cho |z; — 2| = 1. Tinh gia tri clia biéu thiic P = |21 + 2.

3
A P=.2 B. P—./3 C.Pzg. D. P=2.
Loi giai.

Goi z =z 4 yi, v6i z,y € R. Ta ¢6
|22 —i| = |2 + iz|
& 2+ 2y —1)i| =12 —y + i
s PPyt =1
Vay tap hop cac diém M 1a dudng tron (C) ¢6 tam O va ban kinh R = 1.

Goi A, B lan lugt 1a diem biéu dién ctia cac sd phiic 21, 2. Ta ¢6 A, B thuoc (C) va
|21 — 20| =1 < AB = 1. Suy ra AOAB déu nén P = |z + 25| = ’O—A)—i—O—B)‘ :2’0—}[)’ =3,

Chon dap an O
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Cau 77. Tim phan 4o ctia s6 phiic z théa man (2 — i)z = 1 — 2i.

4 e
A -2 B. -. C. - p. —
5) 2 ) 2
Loi giai.
1—-2¢ 4 3
aco (2—1i)z i a= o= g
Chondépén@ 0

. N ) . . 1 1 1
Cau 78. Cho s0 phitic z ¢c6 modun bang 2018 va w la so phiic théa méan bieu thic — + — = T
z w  z4w

Mbédun ciia s6 phiic w bang

A. 2018. B. 2019. C. 2017. D. v/2019.
Loi giai.
, 11 1 2_ 1 )\2 V3w’
T gia thiet ta ¢c6 — + — = = (2 £ w) Zw:O, suy ra (z—{——w) = —Z\/_w .
z w  zH4w zw(z 4+ w) 2 2
1 iv3 1 V3 2018
Khidé»= [ —= — Y2 w hodc z = ———|—£ w = |w| = ————==2018.
2 2 2 2 /1 n 3
4 4
Chon dap an (A) O
. . o o (z=1N 2018
Cau 79. Goi 21, 29, 23 va z4 la cac nghiém cia phuong trinh 5 -] = 2019° Tinh gia tri cta
z—1

bicu thitc P = (22 + 1)(22 + 1)(22 +1)(22 + 1).
A (81-2018 — 2019 - 16)(2018 — 2019 - 16) B (81-2018 + 2019 - 16)(2018 — 2019 - 16)

(2018 - 16 — 2019)* (2018 - 16 — 2019)*
G, (812018 — 2019 - 16)(2018 + 2019 - 16) . (812019 — 2018 - 16)(2019 — 2018 - 16)

(2018 - 16 — 2019)* ' (2018 - 16 — 2019)”

Loi giai.
Dat f(z) = 2018(2z —1)* — 2019(z — 1)* = (2018 - 16 — 2019)(z — 21)(z — 22)(z — 23)(2 — 24).
Talai ¢6 27 + 1= (2, +1)(2x — 1), v6i k = 1,2,3,4. Do d6

C fG)-f(=i)  (81-2018 — 2019 - 16)(2018 — 2019 - 16)
(201816 — 2019)> (2018 - 16 — 2019)* '
Chon dap an (A) O
Cau 80.
Goi M va N lan lugt la diém biéu dién ctia céc sb phiic 21, 2o khac 0. Khi Y
d6 khang dinh nao sau day sai? N
A. |z + 2| =MN . B. |z =ON . v i
C. |2y — 2| =MN . D. |z =0M. roo i *****
.
0]
Loi giai.
Goi 21 = a1 + byt = M (a1, b)), 20 = ag + byt = M (az, bs).
Ta 6 |21 + 22| = /(a1 + a2)? + (by + b2)?.
Ma MN = \/(al —ag)? 4 (by — b9)?. Suy ra |23 + 22| # MN.
Chon dap an @ ([l

Cau 81. Cho cic s6 phtic 2z théa man |zi — (2 +4)| = 2. Biét rang tap hop cac diém biéu dién céc

s6 phiic 2z 1a mot duong tron. Tam [ clia dudng tron doé 1a
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A I(1;-2). B. I(-1;2). C. I(-1;-2). D. I(1;2).
Lo giai.
Tacoli(z—1+20)|=2=]z2—-142i|=2=/(x— 1>+ (y+2)>=2.
Tap hop céc diém bicu dién s6 phiic z 1a duong tron tam I(1; —2).

Chon déap an @ OJ
Cau 82. Cho s6 phiic z théa man (1 —4)-z + (1 + 2¢) - (1 —2z) = 10+ 7i. Tinh mo dun cta 2.

A 3. B. V3. C.5. D. V5.
Lo giai.

Dat 2 = a + bi. Ta co

(1—d)- 2+ (1 +20) (1-22)=10+Ti

(1 —i)(a—bi) + (1 — 20)(1 — 2(a+ b)) = 10 + Ti

a—b—ai—bi+ (1—2i)(1—2a—2bi)=10+T7i

a—b—ai—bi+1—2a—2(1—2a)i—2bi—4b=10+T7i

“3a—5b+ 1+ 3ai —3bi — 2 =10 + Ti
—3a—50+1=10

{3a—3b—2=7

a=1
b= —-2.
= |2| = |1 —2i| = V5.
Chondépén@ [l
~ X 2 2 A 2, 1_<1_7’)33 . N
Cau 83. Phanaocuasophuoz:#+(1—22) 1a
—1
5 5 3 3
A —. B. —i. C. —i. D. —-.
2 2 2 2
Lai giai.
1 3 5 3 5 3 5
= —(1=)2+1+42i==-+-i—(1—-9)2 =+ =i — (=20)16 = = + i — (—4)8.
T (1 —14)** 4+ +z52+21 (1—14) 2—1-2@ (—21) 2—1-2@ (—4)
Vay phan 4o ctia s6 phiic z 1a 3

Chon dap an @ O

r ¢t ¢ 02

(3

z

Cau 84.
Diém M trong hinh vé bén 1 diém biéu dién cho sb phiic nao trong 4 sb phiic duge , y
lict ko dudi day?

A z2=4-2i. B. 2 =2+ 4. C. z=4+42i. D. z=2—4i.

Loi giai.
Ta c6 toa do M(2;4), suy ra s6 phtic biéu dién béi M 1a z = 2 + 4i.
Chon dap an O

Cau 85. Trong mit phang v6i he truc toa do Oxy, cho s6 phiic z théa man |z — 1 + 2i| = 3. Tap
hop cac diém biéu dién cho s6 phitc w = 2(1 + ) la dudng tron nao dusi day?
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A. Tam I(3;-1), R = 3V2. B. Tam I(-3;1), R = 3.
C. Tam I(-3;1), R = 3V2. D. Tam I(3;-1), R = 3.
Loi giai.
Tacow=z2(1+1) & 2= # Thay z vao diéu kien |z — 1 + 2i| = 3, ta dugc
(4
w . 1 ,
- —142i|=3 & |—| |lw—3+i|=3
142 141

& Jw—3+i| =3V2.
Gia stt s6 phitc w = z + yi, x,y € R. Ta duge
(=3 + (y+ 1)* = (3v2)

Vay tap hop cita s6 phiic w 1a dudng tron tam I(3; —1), ban kinh R = 3v/2.

Chon dap an @ O
Cau 86. C6 bao nhieu s6 phiic z thoa man (1 + i)z + z la s6 thuan do va |z — 24| = 1.

A 2. B. 1. C. 0. D. Vo sb.
Loi giai.

Gia st z = a + bi trong d6 a,b € R, ta c6 Z = a — bi.
S6 phtic (1+4i)2+2z = (1+41i)(a+bi)+(a—bi) = 2a—b+ai 1a s6 thuan &o khi chi khi 2a—b = 0 < b = 2a.
Mat khac

z—2i|l=1<la+bi—2il=1 & a*+(2a—-2)=1
& 5a*—8a+3=0

a=1=b=2=2=1+2i

= 3 6 3 6

a 5: 5:2 5+5z

Vay c¢6 2 s6 phitc z thda man yéu cau bai toan.
Chon déap an @ OJ
Cau 87. Cho 6 phiic z théa man |z+ 2|+ |z — 2| = |2?|. Gia tri 16n nhat ciia biéu thiic P = |z —5— 24|
bang bao nhiéu?

A V2453 B. v2+3/5. C. V5+2V3. D. V5 +3V2.
Loi giai.
Gia st z = 2 + yi (trong d6 z,y € R) ¢6 diém biéu dién 1a M (z;y).

Ta c6
|z 42| + |z — 2| = |2%] & |22] + |2vi| = 2* +9°
& 2z] + 2yl = 2* + ¢
(22 + y? — 22 — 2y = 0 1a dudng tron tam I;(1; 1) ban kinh r = V2

1;—1) ban kinh r = V2

?

22 4+ y* — 22 4 2y = 0 1a duong tron tam I

(

2%+ y? 4 22 + 2y = 0 la duong tron tam I,(—1; —1) ban kinh r = v/2
( .
(

—1;1) ban kinh = V2.

)

22 + 9 + 22 — 2y = 0 1a duong tron tam I,

Ma P = |z —5 — 2i| = M A v6i A(5;2) va M chay trén 4 dudng tron nhu hinh vé bén dudi.
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Duya vao hinh minh hoa, r6 rang Pp.x = LA +7r =36+ 9 + V2 =3v5 + V2.

Chon dap an O
Cau 88. Cho s6 phiic z = 6 — 7. Tim s6 phiic lien hgp ctia s6 phiic z.
A zZ=-6+Ti. B.z=-6-Ti. C.z=6+Ti. D.z=—i
Loi giai.
Tacoéz=06+Ti.
Chon dap an @ O
Cau 89. Biét phuong trinh 2% + az +b =0 (a,b € R) ¢6 nghiém z = —2 + i. Tinh a + b.
A 4. B. 9. C. —1. D. 1.
Loi giai.
a=4
Taco (—2+i)*+a(-2+i)+b=0& (a—4)i+ (b+3—2a) =0« {b =a+b=9.
=5
Chon dap an (B) O

Cau 90. Xét cac diéem A, B, C trong mit phang phiic theo thit tu 1a diém biéu dién cac sb6 phiic
44 2+ 62 .
! , (T —12) (14 27), % Goi I(a;b) 1a tam dudng tron ngoai tiép tam gidc ABC. Tinh gia tri
—1

-1+
ctia biéu thitc P = a + b.
A. P=0. B. P=1. C. P=2. D. P=-1.
Loi giai.
. ] . . . . 2+ 60 .
Ta c6 T =2-2i= A(2,-2), 1 —i)(1+2i) =3+i= B(3;1), 3= =2i = C(0;2).
—1+1 —1
Lai c6

_|_

IA:IB(:) (a—2)?+(b+2)*=(a—3)*+(b—1)
IA=1IC a—2)2%+(b+2)*=a’+(b—2)°

{a+3b:1 a=1
= =

B = P
a—2b=1 b=0

1.

Chon dép an (B) O
Cau 91. Xét céc s6 phiic z = a + bi (a,b € R) théa man |z —4 — 3i| = 5. Tinh P = a + b khi
Q=|2+2—2i]*+ 2|z — 4+41i|* + 3]z + 2i|* dat gia tri 16n nhat.

A. P=11. B. P=14. C. P=13. D. P=12.
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Lo giai.

Goi M(a;b) va I(4;3) = M nam trén dudng tron tam I, ban kinh 5. M
Xét A(—2;2), B(4;—1), C(0;-2) = Q = MA? + 2M B? + 3MC2.

Goi H(x;y) la diém théa man I

(z+2)+2x—4)+32=0
(y—2)+2(y+1)+3(y+2)=0
r=1 H
& = H(1;-1).
y=-1
— s\ 2 — 3\ 2 e o —_—\ 2
Tac6 Q= (MH+ HA) +2(MH+ HB) +3(MH + HC) =G6MH?+ HA? + 2HB? + 3HC? +
2MH (HA+2HEB +3HC) = 6MH® + HA? + 2HB* + 3HC?.
Do A, B, C, H c¢6 dinh nén HA? +2HB? + 3HC? 1a hang s6, do vay @ 16n nhat khi M H 16n nhat
” — HM —s
s M, [,cheothﬁ.’tuthénghang@HM:W[M.
Taco HI =32 142 =5= HM = HI + MI =5+5=10 = HM = 2IM
a—1=2(a—4) a="7
= = = P =14.
b+1=2(b—3) b=7
Chondépén O

Cau 92. Cho sb phiic w théa man |w+ 2| < 1. Biét tap hop céac diém biéu dién s6 phitc z théa man
Z = 2w+ 1 — 4 la mot hinh tron. Tinh dién tich S cta hinh tron do.

A. S =2r. B. S =4nr. C. 9r. D. 7.
Loi giai.

HA+2HB+3HO=6«:>{

Goi M(z;y) 1a diém biéu dién sb phitc z = z + yi (z,y € R). Ta c6

r—1 y—1.
i.

2 2

z=2w+l—i1 s r—yi=2w+1l—t1E& w=

Lai ¢6 |w + 2| <1 nén

(wgl+2)2+(%1)231@(x+3)2+(y—1)2=4-

Nen tap hop diém biéu dién z 14 hinh tron ban kinh R = 2 ¢6 dién tich S = 47.

Chon déap an OJ

Cau 93. Cho sb phitc z =z +yi (z,y € R) thbamén |z — 1+ 3i| =|z+3—d vaP=|z—1-
2i| — |z + 1 — || dat gia tri 16n nhat. Tinh tong S = 23 + 33
A S=0. B. 5§ =16. C. §=54. D. S =27
Loi giai.
Goi M (x;y) la diém biéu dién s6 phitc z = x + yi, x,y € R. Ta ¢

|z —14+3i|=|2+3—i|<x—y=0.

Goi A(1;2), B(—1;1), khid6 P =]z =1 —2i| — |+ 1 —i|| = [MA — MB|.

Bai toan tré thanh: Tim M thudc duong thang d: z — y = 0 sao cho |[M A — M B| 16n nhit.
Xét P(z,y) =x —y, taco P(A)- P(B) =2 > 0 nén A, B nam cung phia dbi véi d.

Goi I 1a giao diém ctia AB véi d, ta tim duge 1(3;3).
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Ta c6 [MA — MB| < AB. Dang thitc xay ra khi M = I. Do d6 P dat gia tri 16n nhat khi toa do M
1a (3;3). Vayr =y =3va S =3+ 3% =54,

Chon dép an (C) O
Cau 94. Cho khai trién (201822 + z + 2018)2018 = ay + a1z + - + as362*?0. Tinh tong S =
ap —as+ as — -+ a4035.

A . S=0. B. S=-1. C. § = 22018, D. S=1.
Lo giai.

)2018

Cho z =i (i2 = —1) trong khai trién (20182 + x + 2018 = ag+ a1x + - -+ + as362*9% ta dudc

2018 : 2 14036
( = ap + a1? 4 agl” + - - - + A4036?

o _1:(ao_a2+a4_...+a4036)+(a1—a3+a5—---+a4035)i

VayS:al—a3+~-—i—a4035:0.
Chondépén@ O

Cau 95. Cho hai s6 phiic 21, 2o théa man z; + 2o = 8 + 67 v |21 — 25| = 2. Tim gi4 tri 16n nhat cta
P = |z1] + [2].
A. Py = 2V/26. B. P = 104. C. Poax =32+ 3v2.  D. Py = 46.
Loi giai.
Ta ¢6 |21 + 22]” + |21 — 22> = 2 <|Zl|2 + |22|2> > (|21] + |22)*.
Suy ra P = |21| + | 22| < 2v/26, dau bing xay ra khi

1719,
21| = |z a=gt g
Zl+22:8+6i<:> 21:§+1€1i'

|Zl_22|:2 22:8+6i—21

Vay Poax = 2v/26

Chon déap an @ O
Cau 96. Cho s6 phiic z = 1 4 3i. Goi M la diém biéu dién ctia s6 phc lien hop z. Toa do diém M
la

A. M(—1;-3). B. M(1;3). C. M(1;-3). D. M(-1;3).
Loi gii.
S6 phric lien hop z =1 — 3¢ nén M (1; —3).
Chon dap an @ O
Cau 97. Cho s6 phiic z = 1 + 2i. Diém biéu dién ctia s6 phiic Z 1a

A. M(-1;2). B. M(-1;-2). C. M(1;-2). D. M(2;1).
Loi gidi.
7 =1 — 2i. Suy ra diém biéu dién ctia s6 phiic z 1a M(1; —2).
Chon déap an @ OJ
Cau 98. Cho phuong trinh z22—42+5 = 0 ¢6 hai nghiém phtic 1a 2q, zo. Tinh A = |21 |+ 20|+ 21 20.

A. A=25+25. B. A=0. C. A=5-25. D. A=5+2V5.
Loi giai.

Do 21, 2 1a hai s6 phiic lien hgp ctia nhau nén |z |* = |2)? = 21 - 22 = 5.
Suy ra A =5+ 2v/5.
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Chon dép an (D) O
Cau 99. S6 phiic z = (1 —7)?"!® ¢6 phan thyc bang
A 1. B. 21909, C. —21009, D. 0.
Lai giai.
o (1 _ i)2018 _ [<1 N i)2]1009 _ (—22’)1009 _ (_2)10092- — _91009;
Suy ra phan thic cia s6 phiic z bang 0.
Chon dap an @ O
Cau 100. Cho s6 phiic z = a + bi (a,b € R) thoéa |z + 4| + |z — 4] = 10 va |z — 6] 16n nhat. Tinh
S=a+b.
A. S=-3. B. S =5. C. S=-5b. D. S=11.
L3i giai.
Goi M(a,b) la diém biéu dién ctia s6 phiic 2. Y

Dat F1(—4;0), F»(4;0), 1(6;0). Theo bai ra ta c6

|z +4|+ |z — 4| =10 & MF, + MF, = 10.

Suy ra diém M thuoc elip c6 do dai truc 16n bang 10.
2~ 6] =M < IA' = 11.

Suy ra |z — 6] 16n nhat khi M (—5;0).

Chon dap an @ O

Cau 101. Tim phan thyc va phan 4o ctia s6 phic z = 3 + 2i.
A. Phan thyc bang —3 va phan 4o bang —2i.  B. Phan thuyc bang —3 va phan 4o bing —2.

C. Phan thyc bing 3 va phan 4o bang 2i. D. Phan thyc bang 3 va phan 4o biang 2.
Lo giai.
Theo dinh nghia thi s6 phiic z = 3 + 2i ¢6 phan thic va phan 4o tuong tng 1a 3 va 2.
Chon dép an (D) O
Cau 102. Cho 21, 2, 1a hai s6 phitc théa man 2% —4z+5 = 0. Bidu thitc P = (z; — 1) 4 (2, — 1)*®
c6 gia tri bang

A. 0. B. 22018, C. 21009, D. 2.
Loi giai.
Ta thay P la biéu thic c6 tinh déi xtng v6i z; va 2o.
Ta c6 A’ = —1 = 72, Do d6 phuong trinh c6 hai nghiém phtic 2 =2 — i vA 2o = 2 + 1.
Khi do

P— (1 . i)2018 + (1 + i)2018 _ [(1 B 2)2:| 1009 + [(1 + Z)2:| 1009
— (—20)1009 | ()1009 — _91009; | 91009; _ )

Chon dap an @ O
Cau 103. Cho zi, 2 1a cdc s6 phtic thoa man |z;] = |z = 1 vA |21 — 22| = V6. Tinh gia tri cta
biéu thitc P = |2z; + 2o].

A P=2 B. P=/3. C. P=3. D. P=1.
Lo giai.
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Diat 21 = ay + byi; 290 = ay + byi. Suy ra a? + 02 = a3 + b3 = 1.

Va |21 — 22| = V6 < ajay + biby = —i.

Suy ra P = |2z + 2| = 2.

Chon dap an @ O
Cau 104. Goi zy, 29 1a hai trong tat ci cac s6 phiic thoa man diéu kien |(i — 1)z — 3i + 3| = 2 va
|21 — 22| = 2. Goi m, n 1an lugt 1a gia tri 16n nhat, gia tri nho nhéat clia P = |21| + |22]. Gid tri cla
S =m3 + n? bang

A. 72 B. 90. C. 54. D. 126.
Loi giai.
Taco: |(i—1)z—3i+3|=2a|(i—-1)(z—-3)|=2<|z—3| =2 y

Goi M 1a diém biéu dién cta z.

Ta c6 M nim trén duong tron (C) tam 1(3;0), R = v/2.

Goi A, B lan lugt 1a diém biéu dién cho 2y, 20. Ta 6 |2 — 20| =2 < AB =
2.

Goi H la trung diém AB ta c6 tam gidc IAB vuong tai I (theo dinh Ii
Pitago déo)

AB 2
=IH=—=-=1. )
2 2

= H chay trén duong tron tam I ban kinh R = 1.
P =|z|+ |2 =04+ 0B < /(12 + 12)(0A2 + OB?)
Mat khac theo cong thitc do dai duong trung tuyén ta coé
OA?* + OB? =20H?* + ABE 20H? + 2; =20H? + 2.
=maxP=0I+R=3+1=4minP=|0O/—R|=3-1=2=m=4n=2=5=064+8="T2.
Chon dap én@ OJ

Cau 105. Cho s6 phiic z = a+bi (trong d6 a, b 1a cac s6 thyc) thoa man 3z — (4+5:)z = —17+114.
Tinh ab.
A. ab=6. B. ab = -3. C. ab=3. D. ab = —6.
Loi giai.
Ta ¢6 32 — (4 + 5i) = —17 + 11i < 3(a + bi) — (4 + 5i)(a — bi) = —17 + 114

—a—5b=—17 a=2
& —a—5b+ (=ba+ Th)i = —17+ 1li & & = ab = 6.
—ba+7b=11 b=3
Chon déap an @ O
Cau 106. Tong cac nghiem phtic ctia phuong trinh 2% + 22 —2 =0 1a
A 1. B. —1. C.1—.. D. 1+
Loi giai.

Taco 22 +22—-2=0(z2—1)(2?+22+2)=0& |2z =—1—1.

23 = 1
Vay tong cac nghiem phitc 1a 2y + 20+ 23 = —1 +4i—1—i+ 1= —1.
Chon dap én O
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Cau 107. Trén mat phang tap hop céc s6 phitc z = 2 + yi thda man |z + 2 +i| = |z — 3i| 1a duong
théng c6 phuong trinh

Aly=x+1. B y=—-2+1 Cy=—-x—-1 D y=xz-1.
Loi giai.
Taco |z+2+i| =[2—3i| < [(x+2)+ (y+1)i| = |z — (y+3)i| & (x +2)? + (y+ 1) = 22+ (y + 3)?
Sdr+44+2y+1=6y+92—-—y—-1=0.
Chon dap z’m@ OJ

Cau 108. Cho sb phtic z thda man |z — 3 — 4i| = /5. Goi M va m lan lugt la gia tri 16n nhat va
gia tri nhd nhat ctia bieu thic P = |z + 2|? — |z — i|?. Tinh mo-dun ctia s6 phiic w = M + mi.

A. Jw| = /1258. B. |w| = 3V137. C. |w| = 2/314. D. |w| = 2v/309.
Lo giai.
Gia st z = a + bi(a,b € R).
Theo dé bai ta c6 |z —3 — 4i| = V5 < (a — 3)2 + (b —4)2 = 5(1).
Mt khiac P= |z + 22 — |z —i|* = (a + 2)* + b* — [a® + (b — 1)?] = da + 2b + 3(2).
Tit (1) va (2) ta c6 20a? + (64 — 8P)a + P? — 22P + 137 = 0(x).
Phuong trinh () c6 nghiem khi A’ = —4P? + 184P + —1716 > 0 < 13 < P < 33 = |w| = /1258.
Chon dap an (A) O

Cau 109. Trong mat phang toa do, tap hop cac diém biéu dién cho s6 z thda man |(1+2i)z — 10| =
|(2419)z + 5| 1a

A. hai dudng thing cit nhau. B. hai dudng théng song song.
C. mot duong thang. D. mot duong tron.
Loi giai.

bat z =2+ yi v6i z, y € R.

Ta cb

|(1+2i)z — 10| = |[(2+4)Z + 5|
& |(1+20)(z+yi) — 10| = |(2+1)(z — yi) + 5]
& |z —2y—10+ 2z +y)i| = |2z + y) + (z — 2y + 5)i]
& (r—2y—102+ (2v+y)* = 2z +y)* + (v — 2y + 5)°
& 2 —4y—-5=0.

Suy ra tap hop cac diém biéu dién cho s6 z 14 duong thing 2z — 4y — 5 = 0.
Chon dap an @ O

Cau 110. Trong mit phang toa do Oy, diém M biéu dién cho s6 phiic 2 thda man (1—i)z+(2—i)% =
b—4ila
A. M(1;1). B. M(1;2). C. M(1;-1). D. M(-1;1).
Loi giai.
5—di— (2—i)?

Ta c6 z = T =14+i=M=(1;1).
—1
Chon déap an @ OJ
. L . , 1 )
Cau 111. Goi d la gia tri nhoé nhat cia mo-dun so phic z théa man |z + —| = 2. Khang dinh nao
z

sao day la ding?
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A . de <2;g>. B. d € (1;2). C. de (§;3>. D. d € (0;1).

L&i giai.

1 1
2+ —-|=2& |2+ -

z z

< (4

z  Z 1
& |z|2+§+;+—2:4

2]
2 52 1
N ]2\2—1—2 + 2 Ly
EZ 1
—\2 2
s  (z+2)" =22 1
& — =4
SN FE P
e |2 =622 +1=—-(2427<0
= 3-2V2< 2P <3+2V2
e V2-1< ] < V241
z=-=Z
|z| = v/2 — 1 khi
2] = V2 — 1.
Vayd:\/ﬁ—léde(();l).
Chon dép an (D) O

Cau 112. Cho i + 2i* + 35 + - - + 2018/%°'® = a + bi v6i a, b € R va i 1a don vi 4o. Ménh dé nao
sau day dung?
A. a=-1010. B. a = —1009. C. a = 1010. D. a = 10009.
Loi giai.
Xét ham s6 f(z) =14+ x4+ 2? + 23 + - + 228,
f'(x) =1+ 22+ 32 + - -+ + 20182217,

= xf'(z) = v+ 22% + 323 + - - - + 201822918 0
2019
-1
x‘ J—
f’(:L‘) _ (1;2019 _ 1)’ _ 20191‘2018(1; — 1) _2 (CL’2019 . 1)
2019.’172018(56 _ 1) _ <I2019 - 1)

=uaf(z)=x

(2)
201922018 (2 — 1) — (2219 — 1)

(- 1)

T (1) va (2) = o+ 222 + 32 + - - + 201822918 = ¢ T (3)
x R
Thay « =i vao (3) ta duge
2019'2018 b — 1) — ;2019 1
i 207+ 3% 4 20182018 = . (Z(. )1)2 (i ) — 1010 + 1009s
’L —
Vay a = —1010.
Chon déap an @ OJ
Cau 113. Cho s6 phiic z = cos p + isinp, (¢ € R). Tim mo-dun cia z.
A. |cosp| + |sin . B. 1. C. |cosp + sin . D. |cos2¢|.
Loi giai.
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Ta c6 z =cosp +ising = 1(cosp +isinp) nén r = 1.
Vay |z| = 1.

Chon dap an O

Cau 114. Tim phan 4o ctia s6 phiic z biét z — (2+ 3i)z = 1 — 9i.
A 1. B. -2 C. —1. D. 2.
Loi giai.

Goi z =z +yi(xz,y € R). Ta c6

2= 2+430)z=1-9r+yi—2+3)(x—yi)=1-9%
Sr4yi—20+3y+ Br—2y)i|=1-9%
S —x—3y—3x—y)i=1-9

—r—3y=1 T =2
= =
—3(z—y)=-9 y=—L1

Vay phan 4o ctia s6 phiic z 1a y = —1.

Chon dap an (C) O

Cau 115. Trong mit phang toa do Oy, goi (H) 1a tap hgp diém biéu dién s6 phitc w = (1 + \/§z> z+
2 théa man |z — 1| < 2. Tinh dién tich cta hinh (H).

A. 8. B. 187. C. 16m. D. 4xr.
Loi giai.

Tacow=(1+3i) (=) +3+V3iew—3—v3i=(1+v3i)(z— 1),
Lay mo-dun 2 vé, ta dudc \w—3—\/§i|:|1—l—\/§i\-|z—1| <2.2=4.
Do d6, (H) 1a hinh tron ban kinh 4 nén dién tich hinh (H) bang 167.

Chon dap an @ O
Cau 116. Cho z = z + yi v6i z,y € R 1a s6 phitc thoa diéu kien [z +2 — 3i| < |z +i — 2] < 5. Goi

M,m lan lugt 1a gia tri 16n nhat va gia tri nho nhat cta bicu thic P = 22 + y? + 8z + 6y. Tinh
M +m.

156 156
A. - 20+/10. B. 60 — 20/10. C. - + 204/10. D. 60 + 201/10.

L&i giai.
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— F42-3i<|z+i-2 o 2wty +2<0.
— |z+i—-2| <5< (r—2)*+ (y+1)* < 25 1a hinh tron (C}) tam I;(2; —1) va ban kinh R; = 5.
— M(z) théa diéu kién dé bai < M € (S;): la phan gach chéo ke ca bien v6i A(2; —6), B(—2;2).

— P=2?+y>+8x+6y=?+y>+8x+6y— P=0. (1)
Xét didu kien dé (1) 1a phuong trinh dudng tron v6i tam I(—4; —3) va ban kinh R = /25 + P.
M(z) e (S
— { ( )(C)( J &I, —R <R<IA=2/10-5<V25+ P <45
M e

= 40 — 20/10 < P < 20
Suy ra M +m = 60 — 201/10.

Chon dap an O
B 15— 5¢
Cau 117. Tinh mo-dun clia s6 phitc z théa méan (2 +1i)z + ,Z = 20.
—
A. |z| =5. B. |z|=T. C. |z| = V5. D. |z|=1
Loi giai.
) : 15 — 51 .
Ta c6 (2+1i)z + e =205 2=3—4i=|z| =5.
Chon dap an @ O

Z

Cau 118. Trong mit phang Oxy, cho diém A(2; —3) biéu dién s6 phiic z4, diem B biéu dién s6
phiic zg = (1 +4)z4. Tinh dién tich S cta tam gidc OAB.

11 13 17 15
A S=—. B.S5=—. LS = D S=—.
S 5 S 5 C. S 5 S 5
Loi giai.
Tacoza=2—-3i=z25=5—1i= B(5—1).
. OA = (2;-3;0) 1| == == 13
Trong khong gian Oxyz, ta c6 ¢ __, = SpoaB = —‘[OA, OB]‘ = —.
OB = (5;—1;0) 2 2
Chon dap an O

Cau 119. Cho phuong trinh 22 — 2z + ¢ =0, (c € R, ¢ > 1) ¢6 hai nghiém phtic 2; v z,. Biét ring
21 1a 86 phitc c6 phan 4o duong va |z1| = 5v/2. Tinh |z, — 2|.

Suu tam € bién soan Th.s Nguyén Chin Em 37 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

A. 14 B. 12. C. 21/46. D. 6.
Loi giai.
Taco AN =1-c=(Ve—T1i) =z =1+ c— i
Vi |21 = 5v/2 = ¢ = 50. Do vay ta c6 {Z1:1+7i = |21 — 2| = 14.
29=1-—"T1i
Chon dap én@ O

Cau 120. Cho hai s6 phiic 21, 2, thuoc tap hop S = {z e C: |zz -2 - 3i| = 2} va théa méan
21+ 22 =4 —2i. Tinh A = |21]? + | 22|

A. A=6. B. A=14. C. A=8. D. A=12.
Loi giai.
Goi M, N lan lugt 1a diém biéu dién clia 21, 2o. Y
Goi E la trung diem MN.
Ta ¢6 @) N
x
iz —2—3i| =2 >
& li-(z-3+20)) =2 7
& |z —342i =2. (1) M
Tu (1) ta thay M, N thuoc duong tron tam 1(3;—2) ban
kinh R = 2.
Ta ¢ E(2;,—1) = El = (1;—1) = EI = 2 = MN = 2V/2.
Trong AOMN, ta c6
2 2 2
oz OM?+ON*  MN
2 4
= OM?+ ON? = 14.
Chon d4ap an O

Cau 121. Cho 21, #; 1a hai s6 phtic théa man hé thic |z -3 — 42" =2 va ‘zl — 22‘ = 1. Tim gia tri

nhé nhat ctia biéu thic P = ‘21‘2 — ‘22‘2.
A. —10. B. —5. C. —6 — 2V/5. D. —4 —3/5.

L&i giai.
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Goi M, N lan lugt 1a diém biéu dién ctia s6 phiic z; va 2s. y "
Tit gia thiét ta co {M’ N e @ll;2) voi 1(3;4) N~
MN =1.
Ta thay
I
P = |z*—|xn

S ®)

= (OM - ON) - (OM + ON)

= NM-(OM +ON) O .

= 2-NM-0J, (v6i J la trung diém M N)

= 2.NM- (0l +1J)

= 2-NM-OI, (vi MN L 1J)

= Q'MN~OI'COS(W,O—[))

> 2. MN-OI-(-1)

> —10.
Chon déap an @ OJ
Cau 122. Biét 2y, 2o 1a cac nghiém phiic ctia phuong trinh 22 — 4245 = 0. Gi4 tri biéu thic ! + 2
N Z2 %1

Al S — c.? D C
) ) ) )
Loi giai.
Theo dinh ly Vi-ét ta c6 21 + 20 =4, 21 - 20 = 5. Vay
a7 22+ 22 _ (21 + 22)% — 22129 _ 6
Z2 21 Z122 2129 )
Chon dap an @ O
Cau 123. Cho s6 phiic w = (2 +14)? — 3(2 —4). Gia tri cta |w]| 1a
A. V54, B. V58. C. 2V/10. D. V43.

Loi giai.
Ta c6 w = —3 + 7i nén |w| = /58.
Chon dap an O

Cau 124. Cho z va w 1a hai s6 phitic lien hgp théa man % la s6 thyc va |z — w| = 2/3. Menh dé
w

nao sau day la ding?

A |zl < 1. B. 3<|z| < 4. C. |z| > 4. D. 1< |z| <3.
Loi giai.
T gid thiét ta c6 2 =W,z = w va |z| = |w|.
Ti|lz—wl=2:-—w)Z-w) =4 P+ wf?—20—2Zw=4&2z -22-2z*=4  (%).

Z . 4 oz Z z .l z w
Do—2lasothu’cnenE:E:ﬁ.Tu’dosuyraEZE,hay

w

P =we (z—w)(2* — 2w+ w?) =0.
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Vay 22 +w? = zw = |z|%. Thay vao (*) ta c6
2P =4 & |z| =2

Chon dap an @ O

Cau 125. Cho s6 phtic z théa man 22 — 2z +3 = 0. Tinh |w| biét w = 22018 — 22017 4 2016 4 32015 4
322 —2+409.
A V3. B. 2018v/3. C. 9v3. D. 5V/3.
Lo giai.
Ta c6 w = 22010(2% — 22 + 3) + 2291%(22 — 22 + 3) + 3(2% — 22 + 3) + 52 = 5z.
Vay |w| = 5|z].
Tit phuong trinh ta tim duge z = 1 44v/2, tit d6 dé dang tim dudgc |z| = v/3. Vay |w| = 5v/3.
Chon déap an @ OJ

Cau 126. Cho s6 phiic z thda man |z — 1+ 2i| = 5. Phép tinh tién vec-to ¥’ (1;2) bién tap hop biéu
dién s6 phiic z thanh tap hgp biéu dién s6 phitc z/. Tim P = max|z — 2/|.
A. P=15 B. P=20-/5. C. P=10+ /5. D. P=12.
Loi giai.
Xét hai duong tron (I;5) va (I';5) véi I1(1;—2),1'(2;0).
Khi d6 max |z — 2/| = AB v6i AB la cac giao diém ctia dudng thang
II' véi (I;5) va (I';5) (A khong nam trong (I';5) va B khong nam
trong (/;5)).
Khi d6 AB = 2R+ IT' =10 + /5.

Chon dap an @ OJ

Cau 127. Cho cac sb phiic 21 = 1 + 3i, 20 = —2 + 24, z3 = —1 — i dudc biéu dién lan lugt béi cac
diém A, B, C trén mat phang phitc. Goi M la diém théa man AM = AB — AC. Khi d6 diém M
biéu dién sb phiic

A. 2z =061 B. z = —061. C. z=2. D. z=-2.
Lo gii.
Toa do A(1;3), B(—2;2), C(—1;—-1). Goi toa do diem M (x;y).
AM = (z —1;y — 3), AB = (—=3;—1), AC = (—2; —4).

Y ey o [z—1=-3-(-2) z=0
Tac6 AM = AB — AC = )(:) = 2z = 61.

y=3=(-1)— (-4 y==0
Chon dap an @ O
Cau 128. Cho s6 phitic z = 2 — 3i. Tim phan 4o ctia s6 phic w = (1 +14)z — (2 —i)z.
A. —5. B. 9. C. —bi. D. —9i.
Lo gidi.
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w=(1+4)z—(2—i)7=(1+)2—3i) - (2—i)(2+3i) = 2 — 5i.

Phan 4o ctia s6 phitc w 1a —5.

Chon dap an @ O
Cau 129. Cho hai s6 phiic 2; = 2+ v 29 = 1 — i. Tim s6 phiic 2 = z; + 22,.
A 1+, B. 1. C. 4—1. D. 2.
Loi giai.
z2=214+22=2+1+2(1—4)=4—1.
Chon dap an @ O

Cau 130. Cho hai s6 phtic z; v 2 théa man |z; — 1+ 2i| =1, |25 — 3 — i| = 2. Tim gi4 tri I16n nhat
cla |z; — 2o .
A. V13 +6. B. V13 +3. C. V13 +4. D. V13 +2.
Loi giai.
Gi& stt 21 = a1+ b1i VA 29 = ag +boi (V6i aq, by, as, by € R).
—|a—142=1 (e — 1)+ (by +2)? =1.
Tap hop diém M; biéu dién z la duong tron tam
I,(1; —2) va ban kinh Ry = 1.
— |z —3—i|=2% (a —3)*+ (b — 1)* = 4.
Tap hop diém M, biéu dién 2, 1a duong tron tam
I5(3;1) va ban kinh Ry = 2.
Ma |21 — 29| = MiMy, < OF = R+ LI, + Ry = 1 +/13+
2 =3++13.

Chon dép an (B) O

Cau 131. Cho z; = 2+ 3i; 29 = 4+ 5i. Tim s6 phtic lién hgp ctia s6 phiic w biét w = 2 (21 + 25).

A w =12 — 16i. B. w =12+ 16i. C. w=—14+ 44. D. w = —14 — 44i.
Loi giai.
Tacow=2(2+3i+4+5i) =12+ 16i. Vay w = 12 — 16i.
Chon dap an @ O
Cau 132. Goi 2; v 29 (23 ¢6 phan 4o am) la hai nghiém phiic ctia phuong trinh 42% — 3z + 3 = 2.
Gia tri ctia bidu thitc 2018 |221| — 2017 |22,| bing

A. 3V/2. B. 2¢/3. C. 3. D. V3.

Lai gidi.

1 V2,
Z:§+7Z221 3
— Tac642? —32+3=242-4:43=0& = |z1| = |22) = —
1 V2,
smg g
3 3
— Vay 2018|221 — 201722 :2018.2-§—2017-2~§:\/§.
ChQﬂdépéﬂ@ O
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Cau 133. Cho s6 phiic z = a+bi (a,b € R) thoa man z+3+2i = (|z| + 1) (1 +i¢) va |z] > 1. Tinh
P=a-b.
A P=-1. B. P =—5. C. P=3. D.P=7T.
Loi giai.
p43+2i=(2[+ 1) (1+0) S a+bi+3+2i= (Va2 +02+1)(1+1)
S a+bi+3+2i=Va2+b2+Va2+b2-i+1+i

a+3=va+b+1
b+2=vVa+b+1

=a—b=-1.

Chon dap an @ O
Cau 134. X6t céc s phiic z thoa man (z n JS) n ‘z — ﬁ‘ — 2y/T4. Goi m, M 1an lugt 1a gid tri
nhé nhat, gia tri 16n nhat cta )z + \/3‘ .Tinh P=m + M.

A. P =14+ /5. B. P =25. C. P=2V14+2V5. D. P=2/14.
Loi giai.
— Goi N (7;y) la diém biéu dién ctia s6 phiic z, Fy (—\/3; O) VB <\/5, 0). Khi dé6

’z+x/§‘+’z—x/§‘:2\/ﬂ(:)MF1+MF2:2\/ﬂ.

— M thuoc duong elip c6 hai tieu diem Fy, F, va do dai truc 16n 2a = 2v/14 = a = v/14.
— Ta ¢o ‘z—l—\/g‘ = MF; :a+2~xM vl —v14 < x < 14,
a

—Tirdésuyram:\/ﬁjtﬁ-(—\/ﬁ):\/ﬂ—\/gvaM:\/ﬁ+ﬁ-\/l_:\/ﬁ+\/5.

V14 V14
— Vay P=m+ M =14 — /5 + V14 + /5 = 2V/14.
ChQﬂdépéﬂ@ O
Cau 135. Cho s6 phiic z thod méan|z — 3+ 4i| = 2,w = 2z + 1 — i. Khi d6 |w| ¢6 gia tri 16n nhat
la
A. 16+ /74. B. 2+ +/130. C. 4+ V74 D. 4+ V/130.

Loi giai.
— Tacow=224+1-iw=2>2-34+4+3-4)+1—-icw—-T+9 =2(z—3+4).

| | | Tam 1(7; —9)
— Tasuyra |jw—749i] =2z —-3+4i| < |w—T7+ 9 =4 = w € dudng tron {R—4 :
— Vay [W]pax = OI + R=VT*+ 92 + 4 = 4 4+ /130.
ChQﬂdépéﬂ@ O

Cau 136. Goi 21, 2 1a hai nghiém phiic ctia phuong trinh 222 + V32 +3 =0. Gia tri ctia biéu thic
22 + 22 bang

3 9 9
A. 3. B. —. L. D ——.
; 18 C =3 8
Loi giai.
3 21
Tac62224+V32+3=0 2 —%i%z
V3 V2L V3 V2L 9
S“yraz“'z%:(—T—T \TT ) T
Chon dap én@ O
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Cau 137. Trong mit phiang phitc, goi M 1a diém biéu dién cho s6 phiic z = a + bi, (a,b € R, ab #
0), M’ 1a diém bicu dién cho s6 phitic Z. Ménh dé nao sau day la ding?

A. M’ d6i xiing véi M qua Oy. B. M’ d6i xting véi M qua Ozx.
C. M’ déi xting v6i M qua dudng thang y = . D. M’ dbi xiing v6i M qua O.
Loi giai.
Diém M’ c6 toa do M'(a; —b) do6i xting véi M qua Ox.
Chon dap an O

Cau 138. Goi n la 86 cac s6 phiic z dong thoi thda man |iz + 1 + 2i| = 3 va biéu thitc T =
2|z + 5 + 2i| + 3|z — 3i| dat gi4 tri 16n nhat. Goi M la gia tri 16n nhat ctia T. Gia tri ciia tich Mn
la
A. 10V/21. B. 6V/13. C. 5V21. D. 2V/13.
Loi giai.
Dat 2 = 2 + yi, (r,y € R). Khi d6 N(z;y) la diém biéu dién s phiic z.
Tu gid thié, iz +1+2i| =3 <[z +2—i| =3 (2 +2)*+ (y—1)? =0.
Taco T = 2|z + 5+ 2i| + 3|z — 3i| = 2NA + 3N B v6i A(—5; —2) va B(0;3).
Nhan xét rang A, B, I thiang hang va 21 A = 31 B (I(—2;1) la tam duong tron biéu dién cac s6 phiic
).
T d6 ta c6 2NA2 + 3NB? = 5N1? + 21 A% + 31 B? = 105.
Ma T? = (v2-V2NA ++/3-V3NB)? < 5(2NA? + 3NB?) = 525 hay T < 5v/21.
Déng thic x4y ra khi N la giao clia dudong trung truc doan AB vé6i duong tron tam I, ban kinh
R=3.
Vayn =2 va Mn = 10v/21.
Chon dap an @ O

Cau 139. Tim toa do diém biéu dién hinh hoc ctia s6 phiic z = 8 — 9i.
A. (8;9). B. (8;-9). C. (—-9;8). D. (8;—-9i).
Loi giai.
Toa do diém biéu dién s6 phtic z = 8 — 9i 1a (8; —9).
Chon d4p an O

Cau 140. Cho s6 phiic z = a + bi, véi a,b € R. Tim ménh dé ding trong cac ménh dé sau?
A. z+7Z =2bi. B. 2 — %z =2a. C.z-z=a>-b% D. |2?| = |2|*
Loi giai.
Ta c6 Z=a — bi, do do
— z+ 7z =2a.
— z—Z = 2.
— z-z=a®+
— 2] =122 = 2] - 2] = |2
Vay chi ¢c6 meénh dé |2?| = |z|* 1a ménh dé dung.
Chon dap an @ O
Cau 141. Goi z1, z 1 hai nghiém ctia phuong trinh 22 — 2 + 2 = 0. Tim phan 4o ctia sd phiic
w=[(i = z1) (i — 2)]"",
A 91009 B, _91009 C. 92018 D. _92018
Loi giai.
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, ' , 2 +zm=1
Ap dung dinh 1y Vi-et ta c6
21+ 29 = 2.

Mat khéac, ta co

W — [z’2 —i(z 4 2) + ZIZ2}2018 = (1—i)218 = [(1 _ 2)2] 1009 _ (—24)1009 — _21009,.({2)504 — _ 91009 ;.

Vay phan 4o ctia w 13 —21999,

Chon dap an O

Cau 142. Cho s6 phitc z thdéa man |z — 2 +i| + |z +1 —i| = v/13. Tim gia tri nho nhat m cla biéu
thic |z +2 — 1.

- 2V13 V13 1

A.m=1. ) = —" C m=—. D m=—.
" SRS ST T3
Loi giai.
Diat z =2 +yi (2,y € R) = M(z;y) biéu bién s6 phic 2. y
Xét A(2;—1), B(—1;1), taco6 AB = +/13.
Dol|z—2+41i|+|z+1—i=+v13= MA+ MB = /13, suy ra o
M nim trén doan thang AB. C B
Lay diém C(—2;1), ta c6 |z +2 —i| = MC. f“n:::dl
Vi BC-BA < 0= AABC tit tai B. Do d6 |2+ 2 — i dat gid tri o 12
nhé nhat khi M trimg v6i B hay 2 = —i+4. Vaym=BC=1. ¢ 7
B
A
Chon dap an @ O
Cau 143.
Trong mit phing toa do (hinh vé bén), s6 phiic z = 3 — 47 dugc bicu Yy A
dién béi diém nao trong cac diem A, B, C, D? B 3 :
A. Diém A. B. Diém B. C. Dhiém C. D. Diém D. . :
%4 16) 3T
me e - e -3
C I
YD
Loi giai.
Diém biéu dién s6 phitc z = 3 — 44 1a diém D(3; —4).
Chon dép an (D) O

Cau 144. Cho s6 phiic 2z thoa man 2z + 3(1 — )z = 1 — 9i. Tim phan 4o ctia s6 phtic Z.
A1 B. 3. C. 2 D. -3.

L&i giai.
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Goi z = x 4+ yi, x,y € R. Theo bai ra

2 +3(1—i)Z=1-9i
&br—3y—Br+y)i=1-9%

or—y=1
~
3r+y=9
=2
=
y = 3.

Vay phan 4o ctlia s6 phiic Z bang —3.
Chon dap an @ ([l

Cau 145. Cho sb phtic z = a + bi (a, b 1a céc s6 thyc) thda man z - |z| + 2z +4 = 0. Tinh gia tri ctia
bicu thic T = a + b* + 5/2.

A T=4 B. T =5. C.T=T. D. T =6.
Lai giai.
Ta c6 (a+bi) - Va2 + b2 + 2(a + bi) +i = 0.
S a-Va2+02+2a=0 a=0
W {b.\/m+2b+1:0©{b-|by+2b+1:0 (%)
V6ib >0 thi (x) < b*+20+1=0<« b= —1 (loai)
V6i b < 0thi (¥) & —0*+20+1=0<b=1=++/2 Nhan gia tri b =1 — /2.
Vay T = a + b> =3 — 2V/2.

Chon dap an (C) O

Cau 146. Xét céc s6 phiic z = a+bi (a,b € R) théa man |z — 3 + 3i| = V2 va |z —1+3i|+ |2 — 3+ 5]
dat gia tri 16n nhat. Tinh P = a + b.
A P=-2 B. P=-8. C. P=8. D. P=2.
Loi giai.
Goi A(3;-3), B(1;—3),C(3; —5) va M (x;y) la diém biéu dién s6 phiic z = x + yi.
Theo gia thiét ta c6 [z — 3+ 3i| = V2 < MA =+/2 va MB + MC dat gia tri nhé nhét.
Yéu cau ctia bai toan tuong duong véi tim diém M thuoc dudng tron tam A ban kinh R = /2 dé
M A + M B nhé nhat.
Taco MB+ MC > BC = 2\/5, déng thic x4y ra khi va chi khi M thuoc doan BC.
Phuong trinh duong thing BC': x + y + 2 = 0, phuong trinh duong tron tam A ban kinh /2 1a

(=37 +(@y+3)?*=2.

r+y+2=0 y=-—x—2
Toa do M thdéa man hé =

(=32 +(y+3)?%=2 (a;—3)2+(—x+1)2:2@{y:—4'
Vay M(2;—4) = P = —2.

Chon dap an @ O
Cau 147. Tinh mo-dun s6 phiic nghich ddo ctia s6 phiic z = (1 — 24)2.
1 1 1
A —. B. V5. C. —. D. -.
V5 V5 25 5
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Lo giai.
1 1 (14 24)? -3+ 4
Ta c6 — = — = - — = .
z (1=20)2  (1—=2:)2-(1+ 2i)? 25
1 -3+ 4¢ 1
Nén |—| = = -.
z 25 D
Chon dap an @ O
Cau 148. C6 bao nhiéu s6 phic z théa man |z| = |z 4+ 2| = 17
A. 0. B. 1. C. 4. D. 3.
Loi giai.
bat z=a+bi v6i a,b € R, ta c6 z =a — bi. Tu do:
3
b =1 h— i£
Iz =|z+2=1s 20 & 12
2a| =1
— 4=
=7
Do d6 c6 4 s6 phiic thda man.
Chon dap an @ 0
Cau 149. Tap hgp diém biéu dién s6 phiic z théa man 2|z — 1| = |z + 2 + 2| trén mit phéng toa do
1a mot
A. dudng thang. B. duong tron. C. parabol. D. hypebol.
Lo giai.

bat z =z +yi v6iz,y € R, ta cé z =x — yi. Tu do:
2z—1l=|z4+2+2| < 2|(z — 1) + yi| = |22 + 2
& (J(r-12+yt=|r+1| &y = 4.

Nén tap hgp diém biéu dién s6 phitc 2z thoa man 2|z — 1| = |z + Z + 2| trén mit phang toa do 14 mot

parabol.
Chon dap an @ O
Cau 150. Tim gia tri 16n nhat clia P = 2% — z|+[2% + 2 + 1| vdi 2 la s6 phiic thoéa mén |z| = 1.
A V3. B. 3. C D. 5.
Loi giai.

Dat 2z = a + bi v6i a® + b* =1 thi
P=l(a+bi)?—(a+bi)|+|(a+bi)?+ (a+bi)+1]
=|(a® —a —b°) + (2ab — b)i| + |(a®* + a + 1 — b*) + (2ab + b)i|
= V(@2 —a— 2%+ (2ab—b)* + /(a2 + a+ 1 — 1) + (2ab + b))?
=2 —2a+ |2a +1].

biat f(a) =v2—-2a+|2a+ 1| véi -1 <a <1
. 1
vV2—2a+2a+1 neu - <a<1
Ta ¢6 f(a) = 2 E
V2 —2a —2a —1 néu —1§a<§

1 .1
———+2néu -<a<l
Noor 9
Do dé6 f'(a) = 21 2a E
— —— —2 néu —1§a<§

V2 —2a
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f’(a):()<:>a:§

8 4
, 13 7
Bdéi vay Hlla:ﬁf(a) =7 khi a = g,b:j:

-
w |
ot

Nhu vay, khi z = HZT\/E thi max P = —.
Chon dap an @ O
Cau 151.
Diém M trong hinh vé bén biéu dién s6 phiic Z. y v
S6 phiic z bang 3t----- '
A2+ 3. B. 3+ 2. |
C. 2 - 3i. D. 3 - 2i. |
ol 9
Loi giai.

Tit hinh vé, ta thay diém M bic¢u dién ctia s6 phitc 2 + 37, do d6 tit gid thiét suy ra z = 2 + 3i.
Vay, z =2 — 3i.
Chon dép an (C) O

Cau 152. Goi 21, 2 la hai nghiém phiic clia phuong trinh 22 — 4z + 5 = 0. Gia tri ciia biéu thic

2] + |23] bang

A. 10. B. 20. C. 6. D. 6 — 8i.
Loi giai.
Theo dinh i Vi-ét ta c6 z1 + 29 = 4, 2129 = .
Cha y rang |22 = |z1] - |21] = |21] - |22] = |2122| = 5, tuong tu |23| = 5.
Vay ta c6 |27] + |23] = 10.
Chon dap an @ O

Cau 153. Xét cac s phiic 2z thoa man diéu kien |z — 3 + 2i| = 5. Trong mit phang toa do Ozy, tap
hop cac diém biéu dién cac s6 phic w =2+ 1 —1 la
A. Duong tron tam I(—4;3), ban kinh R =5. B. Duong tron tam /(3; —2), ban kinh R = 5.
C. Duong tron tam I(4; —3), ban kinh R =5. D. Duong tron tam I(—2;1), ban kinh R = 5.
Loi giai.

Ta co

w—4+31t=2z—-—3+2
= |lw—4+3i|=|z—3+2i| =5.

Vay tap hop cac diém biéu dién s6 phitc w 1a duong tron tam I(4; —3), ban kinh R = 5.
Chon dap an @ O
Cau 154. C6 bao nhiéu gia tri nguyén ctia m dé c6 ding hai s6 phiic z théa man |z—(2m—1)—i| = 10
va |z =141 =1z — 2+ 3i].

A. 41. B. 40. C. 165. D. 164.
Lo gidi.
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Goi 2 = a + bi (a,b € R) c¢6 diém biéu dién 1a M. Ta c6
|z —1+i| =z —2+ 3i|

& [(a—1)+ (b+1)i| =|(a —2) + (3 - b)i I
&\ la—12+b+1)2=/(a—2)2+(3-1b)? | d
& 2a+8b—11 = 0. H

Suy ra diém M thudc dudng thang d: 2z + Sy — 11 = 0.

Mit khac, tit [z — (2m — 1) — i| = 10, suy ra diém M thudc duong tron (C) tam I(2m — 1;1), ban
kinh bing 10. Vay M la giao diém ctia d va (C).

Dé ton tai diing hai s6 phtic 2, dicu kién 1a d phai cit (C) tai ding 2 diém phan biét. Dic¢u nay x4y
ra khi

2(2m —1) +8-1-11] _

d(l,d) < 10 &
. Voo

10

5 — 104/68 54+ 10/68
©T<m<T.

Vay ¢6 21 — (—19) + 1 = 41 gia tri nguyén cta m.
Chon dap an (A) O

Cau 155. Goi 21, 2 1a hai nghiém phiic ctia phuong trinh 222 + /32 + 3 = 0. Tinh gia tri clia biéu
21 29
thic T'= — + —.

29 21
3. V3 3 V3 3

L&i giai.

TacéT:ﬁ_l_é:zf—l—z%:(z1+z2)2_2z122: 2 3

29 Z1 Z1%2 Z1%9 § 2
2

Chon dép an (D) O
Cau 156. Tinh mo-dun cta s6 phitc z = (1 + 2i)(2 — 7).

A. |z| =5. B. |z| = /5. C. |z| = 10. D. |z] = 6.
Loi giai.
Ta c6 |z| = |1+ 2i] - |2 —i| = 5.
Chon dap an (A) O
Cau 157. Tim phan thyc ctia s6 phiic z = 1 — 2i.

A. 2. B. —1. C. 1. D. 3.
Loi giai.
Phan thyc ctia sé phtc 2z = 1 — 27 1a 1.
Chon dap an @ [l

Cau 158. Cho s6 phtic z théa man |z + 2| < 2 va |z — 2| < 2. Goi M, m lan lugt 1a gid tri 16n nhat,
nhé nhit clia biéu thiic T = |z — 2i|. Tinh tong S = M + m.

A. 5 =1+10. B. 5 =2+ V10. C. S=4. D. S=1.
Lo gidi.
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Goi z = x4 yi, z,y € R, khi d6 ta co Y
— 24z <2 22] <24 |2 < 1.
— z—Z| <24 |2yi| <2< |y < 1.

Tt d6 ta co, tap hop 2 1a phan gach soc hinh vé bén.

Goi M la diém biéu dién cho s6 phiic z, suy ra M thuoc mién

gach soc.
Lay 1(0,2), suy ra T = |z — 2i| = IM, tit d6 suy ra Ty =
IA=IB=+10va Ty, =1H =1.

Vay S = M +m =1+ +/10.
Chondépén@ O

Cau 159. Cho s6 phiic z thda man |z + 1| + |z — 3 — 4i| = 10. Tinh gia tri nhé nhat Py, clia biéu
thite P = [z — 1 + 2i.

A. Pyin = V17 B. Py = V34 C. Puin = 2V/10. D. Puin =
L&i giai.

V34
5

Gia st diem M (x;y) 1a diém biéu dién ctia sd phiic
z, lay didm A(—1:0), B(3;4) va I(1;2). /

Ta 6 |2+ 1]+ ]z — 3 —4i] = 10 < AM + BM = 10,

Suy ra quy tich diém M la dudng elip véi truc lén '&j
2a = 10 va hai tieu diém A(—1;0), B(3;4).

Nhan thay, I 1a trung diém ctia AB, suy ra I 1a tam déi xing cia elip.
Mit khac P =1z — 1+ 2i| = IM, suy ra Py, = b, v6i b 1a ban truc nho.
Laic62c=AB = c=2V2, ttdosuyrab®* =a®> — 2 =25—-8 =17 = b= /1T7.
Vay ta c6 Py, = V1T,

M

Chon dap an (A) O
Cau 160. Tim phan 3o ctia s6 phtic z = 2017 — 2018q.
A. —2018. B. 2017. C. 2018. D. —2018;.
Loi gidi.
Phan 4o cla z = 2017 — 2018: 1a —2008.
Chon dap an (A) O
Cau 161. Cho s6 phiic z thoa man (2 — 3i)z + 6 = 5 — 1. Meénh dé nao sau day dung?
A = 29 11, B = 29 11, _ 29 11, D = 29_'_11.
L Z=—  —i. L E=— — —1i. R L=+ —i.
MEREREE T3 13 13 13 13"
Loi giai.
ST 20 1 29 1L
“To2-3i 13 13 BT RET
Chon dép an (D) O

Cau 162. Cho s6 phtic z théa méan |z — 2i| = [zi + 3i|. Trong mat phang véi he toa do Oxy, tap
hop cac diém biéu dién sb phiic z 1a dudng thang cé phuong trinh

A 6z+4y—5=0. B. 62 —4y = 0. C.6r—4y+5=0. D. 6z +4y+5=0.
Loi giai.
Dat 2z =x+yi, 2,y E R, taco |z —2i| = [zi +3i| & 2+ (y—2) = > + (2 +3)* & 6x+ 4y +5= 0.
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Chon dép an (D) O

Cau 163. Cho s6 phiic z va 2’ théa man |z —3 —2i| =1, |2/ +i| = |2’ — 1 —i|. Gi4 tri nh6 nhét cta
5 ) 1

P = 25— +1lz—21a
1 _

A 2510 g V55 c. 95, p V5 +5

) ) 5 )

Loi giai.

Gid stt 2 = x + yi, 2/ = 2’ + 9t v6i x,y,2',y € R. Tu gia thiét ta c6 (x —3)* + (y — 2)? = 1 va
27’ + 4y’ — 1 = 0. Nhu vay tap cac diém biéu dién z la dudng tron (C) tam I(3;2), ban kinh R = 1

va tap cac diém biéu dién 2’ 14 duong thang d : 2z + 4y — 1 = 0.
N . s e )
Goi A(z;y) va B(2';y') lan lugt 1a diem bieu dién cta z va 2/, C' = (5

va H 1a hinh chiéu ctia C'lén d. Nhan thay rang ICLd. Tac6 P = AB+AC > BI - AI+CI—1A >

13 V5 9v5— 10
HI—AI+CI—TA=— 4+ X2 _9=2*" ~—
25 2 5

Dau bing x4y ra khi v& chi khi H = B va A la giao ctia doan thang IC v6i duong tron (C).

: 1) 1a diém biéu dién ciia g —1

Chon dap an @ O

Cau 164. S6 phiic z = 2 — 3i ¢6 s6 phtic lién hop 1a
A . 3—2. B. 2+ 3. C. -2+ 3. D. 3+ 2.
Loi giai.
z2=2-3i=2+ 3.
Chon dap an 0

(1+\/§z)3

141
A. 8/2. B. 8. C. 16. D. -8.

Loi gii.
Ta c6 Z = —4 +4i, suy ra z = —4 — 4i. Vay |2 —iz| = | — 8 + 8i| = 8V/2.
Chon dap an @ O

Cau 165. Cho s6 phitic z théa man z = . Tinh mo-dun ctia s6 phiic Z — iz.

Cau 166. Cho s6 phic z = a + bi (a,b € R) thod méan (1 — 3i)z + (2 + 3i)z = 12 — i. Tinh
P=a*-0.

A. -3. B. -1 C. 1. D. 3.
Loi giai.
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Ta c6
12 —i=(1—3i)z+ (24 3)% = (1 — 3i)(a + bi) + (2 + 3i)(a — bi)
= (3a + 6b) — bi.

Do do

3a+6b=12 a=2

=

b=1 b=1.
Vay P =a? — b3 = 3.
Chon dap &n (D) O

Cau 167. Cho hai s6 phiic 21, 2o thoa man |21 + 1 — i| = 2 v 29 = i2;. Tim gia tri nhd nhat m cta
biéu thitc |z; — 2.
A m=+v2-1. B. m=2. C. m=2V/2-2. D. m = 2V2.
Loi giai.
Goi A, B lan luot la cac diém biéu dién s6 phtic z; va 2. Do 2, = iz; nén B la anh clia A qua phép
quay tam O gbéc 90°. Khi do, tam giac OAB vuong can tai O nén
|21 — 23| = AB = V20A = V/2|z|.

Ta c6
2= |z +1—id| <|z|+|1—i| = |z + V2
= ’21|22—\/§.

Dau bang xdy ra khi |2| = (\/5— 1) — (\/§ — 1) i.
Vay gia tri nhé nhat clia |21 — 29| 1a V2 (2 — \/5) =22 - 2.

Chon dap an @ 0
Cau 168. Phan thyc va phan 4o ctia s6 phitc z = (1 + 24) 4 lan lugt 1a

A 1va2. B. —2val. C. 1va —2. D. 2val.
Loi giai.

Tac6 z = (1+2i)i = —2+i. Do d6 phan thyc va phan 4o ctia s6 phiic 2 lan lugt 13 —2 va 1.
Chon dap an O
Cau 169. Goi z; 1a nghiem phiic c6 phan 4o am ctia phuong trinh 22 + 2z + 3 = 0. Toa do diem M

bieu dién sb phiic z; la

A M (-1;,—V2). B. M (—1;2). C. M (—1;-2). D. M (—1;—v/2i).
Loi giai.
Phuong trinh 2% + 2z 4+ 3 = 0 ¢6 hai nghiem 1a 2, = —1 — V2i v 29 = —1++/2i nen M <—1; —\/§>
Chon dap an @ O

Cau 170. Diém biéu dién ctia cac s6 phiic z = 7+ bi v6i b € R nam trén dudng thang c6 phuong
trinh la

A y=T. B.z=T7. Cy=ax+T. D.y=u=x.
Loi giai.
Diém biéu dién clia céc s6 phitc z = 7+ bi véi b € R 1a M (7;b). D& thiy cac diém M(7;b) nam trén
dudng thang v = 7.
Chon dap an O
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Cau 171. Cho s6 phitc thoa |z| = 3. Biét rdang tap hop s6 phiic w = z + 4 13 mot duong tron. Tim
tam cua duong tron do.
A. I(0;1). B. 1(0;-1). C. I(-1;0). D. I(1;0).
Loi giai.
bat w =z + yi, (z,y € R).
Tacow=z+iertyi=z+iecz=c+y—1)icz=c+ (1 —y)i.
Theo dé |z| =3 22+ (1—y) =92+ (y—1)*=09.
Vay tap hgp s6 phtic w = z + i 13 dudng tron tam 7(0;1).

Chon dap an @ O
) o (VA
Cau 172. Cho s0 phtic z thoa man z = 1 Tim mo-dun cua z + 2.
A. 4V2. B. 4. C. 8v2. D. 8.
Loi giai.
(14 | L |
Tacoz:?:—4—4z:>z:—4+4z:>z—|—zz:—8—8z.
Suy ra |z +iz| = | -8 — 8i| = 8v/2.
Chon dap an (C) O

Cau 173. Cho s6 phic z thoa man diéu kien (1 4 ¢)(z — i) + 2z = 2¢. Mo-dun ctia s6 phiic w =
z—2z+1
—— la

22
A. V10. B. V8. C. —/10. D. —V8.
L&i giai.

Taco (1+i)(z—i)+2z2=2i< 3+i)z=—-14+3i & 2z=1.
241 —i—2i+1

Suy ra w = 5 5 =—14 3.
z i
Vay |w| = /10.
Chon dap an (A) O
. N ) 1 1 1
Cau 174. Cho z la so phtic ¢6 mo-dun bang 2017 va w la so6 phiic théoa man —+ — = 0 Mo-dun
z w  z4w
ctia s6 phitc w 1a
A. 2015. B. 0. C. 1. D. 2017.
Loi giai.
1 1 1 —z+ 2V 3
Taco—+—= :>(z+w)2:w2+wz+22(:)w2+wz+22:O(:)w:L\/_Z.
z w  zt+w 2
3 —z — 2V/3i 1+4v3
Véiw=—————=|w| = =|—z|- = |z| = 2017.
2 2 2
_ 3 —z+ 2V/3i 1—1iV3
Voiw= 2V — -2 — |2| = 2017.
2 2 2
Chon dap an @ O

Cau 175. Xét s6 phtic z thdéa man |z — 2 — 2i| = 2. Gia tri nhé nhét ctia biéu thic P = |z — 1 —
i| + |z — 5 — 2i| bang

A 1+ V10 B. 4. C. V17. D. 5.
Loi gidi.
Goi M(z;y) 1a diém biéu dién s6 phiic z. Do |z — 2 — 2i| = 2 nén tap hgp diem M la dudng tron
(€): (x —2)*+ (y—2)* =4.
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Cac diém A(1;1), B(5;2) la diém biéu dién cac s6 phitc 1 +4,5 + 2i. Khi d6 P = M A+ MB.

Dé thay A nim trong (%), con B nim ngoai (¢), ma MA + MB > AB = /17. Déng thiic xay ra
khi M 1a giao diém ctia AB v6i (%).

Phuong trinh dudng thang AB : x — 4y + 3 = 0.

Toa do diém M la nghiém ctia hé phuong trinh sau véi 1 < y < 5.

37+ 4v/59
(x—20°+(y-2)*=4 ST
=
r—4y+3=0 22+ V99
YT
37 4+/59 22 V59
Vay min P = /17 khi 2 + * 7.
17 17
Chon dap an @ O
. . 142
Cau 176. Tim phan ao cua so phic z = 3 + 41_.
—4i
2 10 10 2
A. —i. B. — C. ——1. D. -.
5 7 7 5
Loi giai.
14 2i 14 2i)(3+4i —5 4 101 1 2 . . 2
Ta c6 z = 3j4z = 23t4zig3i4z; = ;_5 ! :—g+5i. Suy ra phan &o cta so6 phic z la —.
Chon dap an @ O
. 11 5 11 5 .
Cau 177. Mo-dun ctia so phic z = (cos 2—; + cos %) — (si Q—Z — sin 22) © bang
A. cosg—i—sing. B. 2. C. 2cos§. D. 1.
Loi giai.
Ta c6
|22 = (cosnl+cos 5_7r> + (Sinu—ﬂ —sin5—7r>2
B 24 24 24 24
o 117 Lo 5 OT 49 11 o n o 117 iy 5 OT 5 117 o
= cos? —— + cos® — coS —— oS — + sin? —— + sin® — — 2sin —— sin —
24 24 24 24 24 24 24 24
117 Y 117 57T> 167
=242 —cos— —sin—sin— | =2+ 2cos — = 1.
+ (cos 24 COS o1 sin 24 sin 21 + 2 cos 24
Chon dap an @ O
Cau 178. Tap hdp cac diém biéu dién cac s6 phiic 2z thda man |z — 1| = |z — 4| la dudng thang
Alz—y=0. B.x—y+1=0. C.x4+y+1=0. D x+y=0.
Loi giai.

Goi z = x +4y. Khi do
2=l =[z—1i & |(z—1) +iy| = |z — (y + 1)

S @@—-1)72 4y =2+ (y+1)?

Sr+y=0.
Chon dap an @ O
Cau 179. Phan 4o clia s6 phiic 2 = 2 — 3i 1a
A. —3i. B. 3. C. -3. D. 3..
Loi giai.

Phan thyc ctia z biang 2 vA phan 4o clia z bang —3.
Chon dap an @ O
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Cau 180. Cho hai s6 phtic 21 = —1 4 2i, 2o = —1 — 2i. Gi4 tri ctia biéu thic |21]2 + |22]2 bang
A. V10. B. 10. C. —6. D. 4.

Loi giai.

Ta 6 |21] = /(=1)* + 22 = V/5; |2 = \/(=1)* + (—2)* = V5.

21|” + |z2) = (\/S) + (\/5) = 10.

Chondapan OJ
~ ) 3 . ) o lz—1 lz—=31
Cau 181. Cho s6 phtic z = a + bi (a,b € R) thdéa méan =1va = =1
z—1i z41
Tinh P=a+0.
A.P=T. B. P=-1 C. P=1 D. P=
Lai giai.
Ta co
z—1 _ 1
s —ql |z — 1| = |z — 1| a=>b a=1
. & & & =a+b=2.
2=3 |z — 3i| = |z + i 8h =38 b=1
Z+1
Chon dap an (D) O

Cau 182. Cho s6 phiic z théa man |z — 3 — 4i| = /5. Goi M va m la gia tri 16n nhat va gia tri nho
nhit ctia biéu thitc P = |2 + 2|? — |z — i|>. Tinh mo-dun ctia s6 phtic w = M + mi.
A. Jw| = +/2315. B. |Jw| = v/1258. C. |w| = 3v/137. D. |w| = 2v/309.
Loi giai.
bat z =z +yi v6i z,y € R.
Taco P=(z+2)*+y>—[22+ (y—1)*] =4z + 2y + 3.
Mat khéc |z —3 —4i| = V5 < (z —3)2 4+ (y — 4)? = 5.
Dit z = 3 +/5sint viy = 4 ++/5cost théa (v — 3)2 + (y — 4)> = 5.
Suy ra P = 4+/5sint + 2v/5 cost + 23.
Xét ham s6 f(t) = 4v/5sint + 2v/5 cost.

Chia ca hai vé cho \/<4\/5>2 + (2\/5>2 =10 ta cb

t
f()—4\/581nt+2\/gcost<:>%—T\/_ t—l—%c st.
2v/5
COSU = ——
Dat ta co
sinu = ﬁ
)
t t
% = cosusint + sinucost < % = sin(t + u)
Suy ra

t
_1§%§1:>—10§f(t)§10:>13§]3§33.

Vay M = max P = 33 va m = min P = 13.
Khi d6 w = 33 + 13i. Do d6 |w| = /332 + 132 = \/1258.

Chon dap an O
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Cau 183. Cho s6 phiic z = a+ bi (a,b € R) va xét hai s6 phiic a = 22+ (2)? va 8 = 22z +i(z — 2).
Trong cac khang dinh duéi day khéng dinh nao ding?

A. o la s6 thuc, 8 1a s6 thuc. B. o la sb 40, B 1a s6 thuc.
C. a la s6 thuc, 3 1a s6 3o. D. o 1a sb 40, B 1a sb 4o.
Lo giai.
Tacoa =22+ (2)? =2(a® — b?), f =222+ i(z — 2) = 2(a® + b*) — 2ab. Vay «,  1a cac s6 thuc.
Chon dap an (A) O
. 14 3¢
Cau 184. Cho s06 phtic z = a + bi, (a,b € R) théa mén a + (b —1)i = 1 i 2Z,~ Gi4 tri nao dudi day
—2i
la mo-dun cta z7
A. 5. B. 1. C. V10. D. /5.
Loi gidi.
14 3¢ a=—1
cma+4b—n¢:1+23@a+4b—niz—1+z¢>{ = |2| = Va@ + 02 = /5.
— —
Chon dép an (D) O

Cau 185. Cho A, B 1a hai diém biéu dién hinh hoc s6 phiic theo thit tu 2, z; khac 0 v théa man
dang thitc 22 + 22 = zyz;. Héi ba diém O, A, B tao thanh tam gidc gi (O la gdc toa d6)? Chon
phuong an day du nhat.

A. Can tai O. B. Vuong can tai O.  C. Deu. D. Vuong tai O.
Loi giai.
20 . 1 \/§2
. 0 _2_ V9O
Tacézg—i-zf:,zozl@@—i-ﬁ:l@@—l—z—:1<:> a 22
Z1 2o 2 20 2o 1 N V3.
— = = —
21 o 2 2
20l =1 & |2| = || hay OA = OB = AOAB can tai O.
Chon dap an @ O

Z+1

Cau 186. Goi M va m lan lugt 1a gia tri 16n nhat v nhé nhat cia P = , vOi z 1a sd phiic

khac 0 va |z| > 2. Tinh 2M — m.
A.2M—m:§. B.2M—m:g. C. 2M —m = 10. D. 2M —m = 6.
Loi giai.
Dat w— *, \z|22:>\w\§1.P:‘1+1‘:]w+1|.
z 2 z

1 3 )
Tac()l—|w|§]w—i—l\§1+|w|:>§§P§§:>2M—m:§.

Chon dap an O
R R . 1
Cau 187. Tim phan thuc va phan ao ctia so phtic z théoa man z =2 — ¢ + (§ — 2@').
7 7 7 5 1
Loi giai.
Ta c6 z=2 '+<1 2')—7 3i
ach z = 1 3 i)=3 i
N L . . 7
Vay phan thuyc va phan ao ctia s6 phtc z lan lugt 1a 3 va —3.
Chon dap an O
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Cau 188. Tim toa do diém biéu dién ctia s6 phiic z = trén mat phang Ozy.

3+ 2
A (—1;—4). B. (1;4). C. (1;,-4). D. (—1;4).
Lai giai.
2—31)(4—1 — 142 — 142)(3 — 21 —13 — 52

Tac()z:( 32)(. 2)25 .22(5 i)(3 z): 3 522_1_@,'

32 3+ 2i 13 13
Do d6 diém biéu dién ctia s6 phtic z trén mat phang Ozy c6 toa do (—1; —4).
Chon dap &n (A) O

Cau 189. Goi z;, 2o 1a hai nghiém phiic ctia phuong trinh 222 — 32 +4 = 0.
1 1
Til’lh w=—-4+ —-+ ’ileg.

Z1 Z9
3 3 3 3
A w=——+2. B. w=—-+2. Cw =2+ —i. D w=—-+2.
w 4—|—z w 4+z C w +2@ w 2~|—z
Loi giai.
3 V23 3 V23
Phuong trinh 222 — 32 + 4 = 0 ¢6 2 nghiém phric 21:4_1+Ti’ ZQ—Z—Ti
21+ 29 = < 1 1 3
Khi dé ' ? 2.Suyraw:—+—+izl,22:Zl+z2+izlz2:—+2z’.
21 22 Z122 4
2122:2
Chondépén O
Cau 190. Cho s6 phic z = a+bi (a,b € R) théa man z+ 1+ 3i — |z]i = 0. Tinh S = a + 3b.
7 7
A.S:§. B. §=-5. C. S=5. D.S:—g.
Loi giai.
Taco6z+1+3i—|z2[i=0a+bi+1+3i—iva>+b=0
a+1=0
Sa+1+0b+3—-Va?2+b0?)i=0<
b+3=+va2+b?
a=-1 a=—1
& b> -3 < 4 = S = -5
(b+3)2%=1+10 -3
Chondépén O

Cau 191. Biét s6 phitc z théa man |z — 3 — 4i| = v/5 va biéu thitc T = |z + 2|* — |z — i|* dat gié tri
16n nhat. Tinh |z|.
A. |z| = /33 B. |z] = 50. C. |z| = V10. D. |z| = 5V2.
Lo giai.
Dit 2z = 2 + yi (z,y € R), theo gia thiét |z —3 —4i| = V5 < (x —3)2 + (y — 4)> =5 (O).
Ngoaira T = |z + 2" — [z —i|* @ 4o + 2y + 3 — T = 0 (A) dat gia tri 16n nhat.
Ro rang (C) va (A) ¢6 diém chung do dé 123+ 7] <Vbh & 13<T <33,

2v/5

Vi T dat gia tri 16n nhat nén T = 33 suy ra 4z + 2y — 30 = 0 & y = 15 — 2z thay vao (C) ta duge
502 =500 + 125 =0 o =5 =y = 5. Vay |z| = 5V2.

Chon dap an @ O
Cau 192. Cho sb phiic z thoa man z(2 — i) + 13¢ = 1. Tinh mo-dun ctia s6 phic z.
dv 34 34
A. |z| = /34 B. |z| = 34. C. |z] = —3 D. |z| = g

Cau 193. Tim s6 phitic z théa man |z — 2| = |z| va (z + 1)(Z — i) 1a s6 thye.
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A 2=1-2i. B. z=-1-2s. C.z2=2—1. D.2=1+2i.
Loi giai.
bat z = a + bi. Khi do6 ta co:

{|z—2|:|z| {|(a—2)+bi|=|a+bz’|
=

(z+1)(z — 1) 1a s6 thuyc (a+bi+1)(a—bi —1) 1a sd thyc

(a—2)*+ b =a®+ b —4a+4=0 a=1
& ) & &
a’>+a+b*+b— (a+b+1)ilasd thuc a+b+1=0 b= —2

Vay z = 1 — 2i 14 s6 phiic can tim.
Chon dap an @ O

Cau 194. Trong mat phang phiic, goi M la diém biéu dién cho s6 phiic (z — %)% véi z = a +bi(a,b €
R,b # 0). Chon két luan diang,.

A. M thuoc tia Ozx. B. M thudc tia Oy.

C. M thuoc tia dbi cta tia Ozx. D. M thuoc tia ddi ctia tia Oy.

Cau 195. Trén tap sb phiic, cho phuong trinh: az? + bz + ¢ = 0(a,b,c € R,a # 0). Chon két luan
sai.

A. Phuong trinh luén ¢6 hai nghiém phic 1a lién hgp ctia nhau.

B. Néu A = b — 4ac < 0 thi phuong trinh c¢6 hai nghiém ma mo-dun bang nhau.

C. Néu b = 0 thi phuong trinh c6 hai nghiém ma téng bang 0.

D. Phuong trinh luon ¢6 nghiém.

Cau 196. Goi s6 phitc z = a + bi (a,b € R) thdéa man |z — 1| = 1 va (1 +4)(z — 1) ¢6 phan thuc
bang 1 dong thoi z khong 1a s6 thie. Khi dé ab bang
A ab=1. B. ab=2. C. ab=-2. D. ab=—1.

) . . . \ . 2017 »
Cau 197. Trong tap cac s6 phiic, goi 21, 2, 14 hai nghiém ctia phuong trinh 2% — 2 + o = 0 Vil 29

c6 phan 4o duong. Cho s6 phiic z thda man |z — z;| = 1. Gia tri nhd nhét ciia P = |z — 25| 1a

V2017 -1 V2016 — 1
A. /2016 — 1. B. v2017 — 1. C. # D. %

Loi giai.
1 e

2017 21 = 5 — 67/ 14
TacézQ—z+T:0<:> 1 .
=g + 6iv 14
Goi I, A, B lan lugt 1a cac diém biéu dién clia 2, 20, # trong mat phéng phiic.
Ta c6 [A = |21 — 2| = 12V/14.
Khi d6 min P = 12v14 — 1 = v/2016 — 1

Chon dap an @ O

Cau 198. Trong tap cic sb6 phiic, cho phuong trinh 2% — 6z +m = 0, m € R (1). Goi mg 1a mot
gia tri ctia m dé phuong trinh (1) c6 hai nghiém phan biét 2, 2o théa man 212 = 25.7;. Hoi trong
khoang (0;20) c¢6 bao nhiéu gia tri mg € N?

A. 10. B. 11. C. 12. D. 13.
Loi giai.
Dé bai yéu cau ta tim céc gia tri nguyén ctia m trong khoang (0;20), sao cho phuong trinh (1) c¢6

hai nghiém phan biét théa man z;.Z7 = 25.23, hay |z1] = |z2] (*).
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Diéu kien dé phuong trinh c6 hai nghiem phan biet 1a A’ > 0 hoac A’ < 0.
Néu A’ > 0 thi phuong trinh (1) ¢6 hai nghiém thyc phan biet. Khi do:

(*)@21:—22@214—22:0.

Diéu nay khong thé xay ra do theo Dinh 1y Vi-ét, 2 + 2o = b =6 # 0. Vay néu A’ > 0 ta khong
tim dugc m théa man yéu cau dé bai. ¢

Néu A’ < 0 thi phuong trinh (1) c¢6 hai nghiém phan biét 2y, 2o 1a hai s6 phiic lién hgp. Khi dé hién
nhiéu ta sé ¢ |z1| = | 2.

Vay phuong trinh (1) ¢6 hai nghiém phan biét théa (*) & A’<0<9—-—m <0< m > 9.

Suy ra trong khoang (0;20) c¢6 10 gia tri mg € N.

Chon dap an @ O

Cau 199. Cho s6 phiic thoa man |z — 2i| < |z — 44| va |z — 3 — 3i| = 1. Gi4 tri 16n nhat cta |z — 2|
la
A V10+1. B. v13+ 1. C. V10. D. v13.

L&i giai.

T

Goi M(z;y) la diém bicu dién s6 phitc z trong mit phing Ozy. Diém A(0;2) biéu dién s6 phic 2i,
diém B(0;4) biéu dién s6 phic 44, diém I(3;3) biéu dién s6 phiic 3 + 3i.

Bat dang thiic |z — 2i| < |z — 44| tuong duong véi MA < M B, tiic 1a M "gan" A hon "gan" B. Vay
tap hop s6 phitc 2 théa man |z — 2i| < |z — 4i| duge biéu dién trong mat phang Ozy la nita mat
phiang b 14 dudng trung truc ctia AB (dudng y = 3) chita diém A.

Con |z—3—3i| =1 dan dén MI = 1, nghia la M thuoc dudng tron (C') tam 1(3;3), ban kinh R = 1.
Tom lai, tap hgp diém biéu dién s6 phiic z théa man yéu cau dé bai la nita dudi ctia dudng tron (C).
Ta goi tap hop diém nay 1a 7.

Dé bai yéu cau tim gid tri 16n nhat ctia |2 — 2|, nghia la tim khodng céch 16n nhat tit diém D(2;0)
dén nhitng diém thuoc 7. D& dang nhan ra khoang cach 16n nhat nay chinh 1a khoang céach tit D dén
diém c6 toa do (4;3) thuoc T', va bing v/13.

Chon dap an @ O

141

Cau 200. Cho sb phiic z théa man la s6 thue va |z — 2| = m v6i m € R. Goi mg 1a mot gia

tri ctia m dé c6 ding mot sé phic thoa man bai toan. Khi do6

1 1 3 3
A.mge (O;§>. B. mg € <§;1>. C. mgy € (1;§>. D. mg € (5;2)

L&i giai.
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Dit s6 phiic 2 = x + i (z,y € R).

Ta co:
IL+i (14492 (A4+d)(r—y) z4+y+(@—-y)i x4y Ty
2 2.z 22 + 92 22 + 92 22+ y? p2 42
1+ . —
Vay " I s6 thue khi v chi khi % = 0 hay x = y # 0.
z ety

Goi M(z;y) 1a diém biéu dién mot sé phitc z nhu trén trong mat phang Ozy. Khi d6 tap hgp diém
M 1a duong thang (A): z —y = 0 (b6 di diém O).

Con tap hgp diém biéu dién s6 phiic z théa man |z — 2| = m 1a duong tron (C,,) tam A(2;0), ban
kinh m.

Khi d6, yéu cau bai toan tuong duong v6i tim m sao cho dudng thang (A) va (C,,) c¢6 ding mot
diém chung, hay (A) tiép xtic véi (Cp,).

L . P 2 - 0
(A) tiép xic véi (Cy,) & d(A,(A)) =m & m = |—W|12 = V2.
Vay mo = V2.

Chon dap an @ U
Cau 201. Goi S la tap hop cac s6 thic m sao cho véi mdi m € S ¢6 ding mot s6 phiic thdéa man
|z—m| =6 va la s6 thuan 4o. Tinh tdng clia cdc phan tif ciia tap S.

A. 0. B. 8. C. 10. D. 16.
Loi giai.

Dit s6 phiic 2 = x + yi (z,y € R).

To o6 7 — 2(z —4) :|z|2—4z:x2+y2—4x—4yi::B2—|—y2—4:v_ 4y .
ST R e T R e N R A P R
Vayz_4léséthu§n ao (%)
{x2+y2—4x:0 {(x—2)2+y2:4
=4 =4 .
y#0 y#0
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Goi M (x;y) la diém biéu dién s6 phitc z thda man (*) trong mit phang Oxy, thi tap hop diém M
la duong tron
(C):(z—2)+y* =4

tam 7(2;0) ban kinh R = 2, b6 di hai diem A(4;0) va O(0;0). Ta goi tap hop diém nay 1a T.

Con tap hgp diém biéu dién s6 phtic z thda man |z — m| = 6 trong mat phang Ozy la dudng tron
(Cy) tam J(m;0) ban kinh R = 6.

Vay s6 thuc m théa man yéu cau deé bai 1a s6 thuc m sao cho duong tron (C,,) tiép xtc vé6i tap hop
diém 7.

Tuy nhién, ta thay rang néu (C,,) tiép xtc véi (C) thi hai tiép diém s& ndm trén duong ndi tam 1.J,
nghia 1 truc Oz. Mt khac, tap hgp 7 lai la dudng tron (C) bo di 2 giao diém véi truc Ox. Nhu
vay thi (C,,) khong thé tiép xtc véi T, dan dén tap hgp S khong cé phan ti.

Chon dap an (A) O

Cau 202. Tlnh tong S C 2017 + C 2017 + C 2017 + - C%g%?

A. S = 92016 | 91008 B. § = 92015 | 91007 C. § = 22016 4 91008 D. § = 92016 | 91008
Loi giai.
28 = 2CY,; + 2C5017 + 2C5y7 + - - - +2C3018
= (03017+C%017+C%017+08017"" ’ '+C%8%+C%8%$) (02017 C%017+03017_03017+' ’ '_038%4‘038%9) =
A+ B.
Tinh A = C8017 + Cgow + C3017 + Cgm? +eeet ng% + ng%g
Xét hai khai trién
(1+1)*17 = Chyy7 + Cogrr + Coop7 + Cogpr + - -+ + C318 + C3017 (1)
(1 —1)*" = CYy17 — Cho17 + Coo17 — Chpr + -+ - + C318 — C3017 (2)
(1) + (2) & W17 — 924 & A = 22016,

. L2017
(1+ @)2017 C 2017 T C2017Z + 020172 + C2017Z + - ng%g 2016 4 0385
= (02017 C 2017 + C2017 C2017 + e ng%g) (02017 C 2017 + C2017 C5017 + - 038%9 (3)
Lal CO (1 —|—Z)2017 — ((1 +Z) )1008(1 —|—Z) — (2@)1008(1 —|—Z) — 21008( )504(1 —|—Z) — 21008 + 21008 . (4) TI\I
N . . A+ B

(3) va (4) dong nhat phan thue ta duge B = 2'9%. Suy ra S = T2 _ g5 | gi007,

Chon dap an ’ O
Cau 203.
Diém M trong hinh bén la biéu dién ctia s6 phiic z. Tim phan thic va phan Y
4o clia sO phic z.
A. Phan thyc 1a 2 va phan 4o la —3i. 5 ? A
B. Phan thyc la —3 va phan 4o 1a 2. E
C. Phan thuyc 1a —3 va phan 4o 1a 2i. E
D. Phan thyc 13 2 va phan 4o 1a —3. E
—3¢------ - N

Loi giai.

Diém M (a;b) trong he truc Ozy la diém bicéu dién ctia s6 phiic z = a + bi. Do d6, diém M (2; —3)
biéu dién cho sb phtic z = 2 — 3i ¢6 phan thuc la 2 va phan 4o la —3.

Chon dap an @ 0

Cau 204. Tim s6 thyc z, y théa man (1 — 2i)z + (1 +2y)i =1 +14.
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Alz=1y=1 B rx=—-1y=1 Crx=-1y=-1 Dx=1y=-1
Loi giai.
Ta c6
(I=20zr+(1+2y)i=14+isrs+(1+2y—2x)i=1+1

r=1
=
1+2y -2z =

Chon dap an @ O
Cau 205. S6 phiic lien hop clia z = 2016 + 20174 1a s6 phiic nao?
A. —2016 — 2017. B. —2016 + 2017i. C. 2017 — 20164. D. 2016 — 2017i.
Loi giai.
S6 phiic lien hop clia 2z 1a z = 2016 — 20174.
Chon déap an @ [l
. . . . 3
Cau 206. Cho so phtic z théa mén |z — 2| = |z — 2i|. Tim s0 phtc z biét |z + 3~ hi| dat gia tri
nhé nhat.
/331 T T 3
Lai giai.

Dat z=x+yivéiz,y e R.Khidé |z —2|=2—-2i & |z — 2+ yi| = |z + (y — 2)1]
S -2+ =+@y—-20°r=y
Tap hop M (x;y) bicu dién sé phiic z 1a duong thang y = x.

3 .
m+§+(y—5)z

:\/<x+;)2+(y—5)2
:\/(x+g>2+(x—5)2
S e

3 . 7
Suy ra z + 3~ 5t dat gia tri nho nhat khi x =y = —.

Ta cb

3
Z+§—5i':

4
Chon dap an @ 0
Cau 207. Cho sb phiic z = 2 — 3i. S6 phitic lién hgp ctia z 1a
A zZ=-2-23i. B.z=-2+ 3 C.z=2+43i. D.z=2-3i.
Loi giai.

S6 phiic lien hop ctia s6 phitc 2 — 37 1a 2 + 3i.
Chon dap an @ O

Cau 208. Cho s6 phitc z =1 — % Tim s6 phtic w = iz + 3z.

8 10 8 10
A.w:§. B.w:§. C.w:§+i. D.wzg—i-i.

L&i giai.
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1 l 1 8
chrmte o1 8) s s (1o )8
07z + 3 w=1|1+ 3 + 3 3
Chon dap an @ O
Cau 209. Cho sb phiic z théa man (1 + 24)%z + z = 4i — 20. Mo-dun ctia s6 phiic z 1a
A |z] =3. B. |z] = 4. C. |z| =5. D. |z| =6.
Loi giai.

Goi z =z +yi (v6i z, y € R). Ta c6

(1+20)2247z2=4i—20 & (=3+4i)(z+yi)+ (xr —yi) = 4i — 20 & (=22 —4y) + (4z — 4y)i = 4i — 20
2z + 4y =20 r=4

& =3 = |z| = 5.
4o —4y =4 y=3

ChQHdépéﬂ@ ([l

Cau 210. Cho s6 phitc z théa man diéu kién |z — 1| = /2. Tim gi4 tri 16n nhat ctia biéu thitc
T=|z+il+|z—2—1

A maxT = 8v/2. B. maxT = 8. C. maxT = 4v/2. D. max7T = 4.
Lo giai.
Trong mit phang phic, goi 1(1;0), A(0; —1), B(2;1) va M la diém biéu Yy
dién s6 phtc z. Theo gia thiét thi tap cic so6 phiic z 1a duong tron tam I M B
ban kinh v/2. D& thiy AB la mot duong kinh ciia duong tron (I). Ta c6 7%

T =MA+MB < /2(MA? + MB?) = V2AB? = 4. T v

Dau bang x4y ra khi M A = M B hay tam gidac M AB vuong can tai M. A
Vay maxT = 4.
Chon dap an @ O
Cau 211. Cho sb phtic z = (1 + 3i)(4 — 1), phan thuc ctia 2z bang bao nhiéu?

A 4. B. 1. C. 11. D. 7.
Lo giai.
Tacoz=(1+3i)(4—1i)=T7+11i.
Vay phan thyc ctia z bang 7.
Chon dap an @ O
Cau 212. Trong céc s6 phitc (144)*, (141)°, (1 +14)°, (1 + )" s6 phitc nao la s6 thue?

A (1+9)°. B. (1+1)°. C. (14+1)". D. (1+1)%
Lo giai.
Taco (1+14)° =1+ 2i+4% = 2i.
Do d6 (1 +14)* = (1414)* = (2i)? = —4 la mot sb thue.
Chon dap an @ 0
Cau 213. Cho s6 phiic z théa man |z| = /5 v& s6 phitc w = (1 + 2i) - Z. Tim |w)|.

A. V5. B. 5. C. 2V/5. D. 4.
Loi gidi.
Ta co |w| = |(1+2i)-2| = |1 +2i]-|2| = V5- V5 =5.
Chon dap an O
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Cau 214. Cho s6 phitc z théa man |z — 2 + 3i| + |z + 2 + 4| = 4/5. Tinh gia tri 16n nhat cia
= |z — 4+ 4.
A. max P = 4/5. B. max P = 71/5. C. max P = 5v/5. D. max P = 61/5.
Loi gidi.
Ta c6 bat déng thitc mo-dun sb phic sau:
|21] = [22]] < [21 + 22| < [21] + [22].

Ditw=z—-4+4i= P =|uw|
Taco |z —2+3i|+ |z +2+i] =4V5 & |w+2 —i| + |w+ 6 — 3i| = 4V/5.
Ma{Hw+2—i\Z!w!—\2—i|=!w!—\/5
lw+ 6 — 3i| > |w| — 6 — 3i| = |w| — 3v/5
suy ra 4y/5 > <|w| —\/5) + <|w| —3\/5) & |w| < 4V/5.
Vay max P = 4/5 khi w = k(2 — i) = —4(2 — i) hay z = —4.

Chon dap an @ O
Cau 215. Rit gon tong sau S = O35 — 3C%5 + 3°Ca1s — 33CS15 + - - - — 31009CR1E
A. S =227, B. § = 2%018 C. § =227, D. S = —22018,
Loi giai.
Ta c6 (1 + )% = Chyy5 + Cp157 + Clgps2” + - -+ + CR152701 (1).
Mat khac (1 —2)*"® = Cy15 — Chgp7 + Cgpsa? — -+ + CR152"° (2)-
Cong (1) va (2) ta dugc:
(L4 2)™ 4+ (1 —2)* = (0(2]018 + Co1s2” + -+ + Copisar 2018) (3).

Thay = = iv/3 vao (3) ta dugc:
(1 + i\/§)2018 + (1 - i\/§)2018 — 929 (4)

Céach 1:
Ma (1+1iv/3)® = (1 —iv3)? = =8 = (1 4 iy/3)2016 = (1 — 4/3)2016 = (—8)672,
Suy ra, (1+iv/3)2 + (1 —iv/3)2®

= (=8)" (1 +v3)* + (1 —iV3)?)

— (_8)672 % (_4) — _22018 (5)
Tt (4) va (5) suy ra: S = —22017,

Cach 2 2018 2018
. - .. ST
(1+iv3) =2 (cos % + isin g) (14 i4/3)%018 = 92018 (cos +isin—g )
Ta co
(1—1iV3) =2 (cos% — isin g) V/3)2018 _ 92018 ( o 2018 . 2018 7T>
(1 4 i/3)2018 — 92018 < L _32>
- 1
(1 — iy/3)2018 — 92018 ( S - 7Z)
2018
Tu (4) va (5) suy ra: S = — 5 = — 22017
Chon dap an @ O

Cau 216. Cho sb phiic z = —3 + 44. Goi M la diém biéu dién s6 phitc Z. Tung do cia diem M
1a
A. 6. B. 4. C. —4. D. —6.
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Loi giai.
Z = —3 — 4i nén tung do diem M la —4.
Chon dap an @ O

Cau 217. Tim phan thyc va phan 4o ctia s6 phiic z = 1 — 7.
A. Phan thyc 1a 1 va phan 4o 14 —7. B. Phan thyc 1a 1 va phan 4o la 7.
C. Phan thuc 13 1 va phan 4o 1a —mi. D. Phan thyc 1a —1 va phan 4o 1a —.
Loi giai.
— Theo dinh nghia s6 phtic ¢6 dang z = a + bi véi a,b € R thi c6 phan thic va phan 4o tuong
ung la a va b.
— Vay s6 phiic z = 1 — 7i ¢6 phan thuyc 1a 1 vA phan o 1a —7.
Chon dap an @ O

Cau 218. Trong mit phing véi hé toa do Ozy, tim tap hop diém biéu dién sb phic z thda man
z2—1
=1.

Z+1
A. Hai duong thang y = £1, trit diém (0; —1).
B. Hinh chit nhat giéi han bdi cac duong thing x = +1,y = +1.
C. Duong tron (z 4 1)> + (y — 1)* = 1.

D. Truc Oz.
Loi giai.
— Ditz=a+bi,(@,bER) = 2+i#0a+(b+1)i#A0sa>+ (b+1)>#0.
lz—i EEE
— Ta co | = — nén
Z 41 |z + 1
k] B 2l BT T
zZ 41 |z + 1]

S la+ (b—1)i] =|a+ (b+ 1)i
e fa+ (b—1)2 = /a2 + (b+1)2
& b =0 (théa man diéu kien a® + (b + 1)* # 0).

— Vay tap hop diém biéu dién ctia s6 phitc z 1a dudng thang y = 0, chinh la truc Oz.
Chon dap an @ O

Cau 219. Cho hai s6 phiic 2 = 2 + 3i, 2, = —3 — 5i. Tinh tong phan thic va phan 4o clia s6 phiic

W = 21 + 2o.

A. 3. B. 0. C. —1-—2. D. -3.
Loi giai.
Ta c6 w = —1 — 24, nén tong phan thuc va phan 4o clia w 1a —3.
Chon déap an @ OJ
Cau 220. Cho s6 phiic z théa man z+4z = 7+i(z — 7). Khi d6, mo-dun ctia z bang bao nhieu?
A |z| = 5. B. |z| = V3. C. |z| = V5. D. |z| = 3.
Loi giai.

Dat z =2+ yi =7z =2 — yi.
Tacé:z+4z2=T+i(z-T) & (x+yi)+4(z —yi) =T+i(v +yi—7)
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, ) Sr=T—y ST +y = r=1
Sbr—3yi=T—y+(x—-T7)i< &= =
—By=x-—-17 T+ 3y = y =2
=z2=1+2=|z| =VI12+22 = /5.
ChQﬂdépéﬂ@ O
Cau 221. Cho s6 phiic z théa méan (1+ 3i)z —5 = 7i. Ménh dé nao sau day 1a ménh dé diung?
13 4 13 4 13 4 1 4
Az=—-—12 B.z=— i C.z=--"-"_24 D -8,
) 5} 5) ) 5) ) ) 5)
Loi giai.
Ta cd 5+T7t 13 4.:>_ 13+4.
a co 2 = =— ——i=>Z=—+ —i.
1+ 3 ) ) 5) 5)
Chondépén@ O

Cau 222. Cho s6 phiic z vd w théa man z +w = 3+ 4i va |z — w| = 9. Tim gi4 tri 16n nhat cta
bi¢u thitc T = |2] + |w|.
A. maxT = /176. B. maxT = 14. C. maxT = 4. D. maxT = 106.
Lo gidi.
Dat z=a+bi (a,b € R); w=c+di (¢,d € R).
Ta c6 |z+w| = |3+4i| =5 & [(a+bi)+(c+di)| =5 & |(a+c)+(b+d)i]| =5 < (a+c)*+(b+d)? = 25
lz—w| =9 |(a+bi)—(c+di)| =9 |(a—c)+ (b—d)i| =9 < (a —c)*+ (b—d)? = 81.
Ta ¢6 hé phuong trinh
(a+c)*+ (b+d)*> =25 a’ + 2ac+ ¢ + b* + 2bd + d* = 25
(a—c)?+ (b—d)* =381 - a® — 2ac + * + b* — 2bd + d* = 81
Theo bat dang thiic B.C.S ta c6
2] + w|| = ’1 Var+ b2+ 1- m[ < /(2 +12) (a2 + 02+ 2 + d?) = V/106.
Vé6i z = —% + %i, w = % — %Z luon théa man gia thiét va |z| 4 |w| = v/106.
Vay max (|z| + |w|) = v/106.
Chon dap an @ O

=a?+bP+2+d>=53

Cau 223. Trong mat phang phic, goi A, B, C, D lan lugt 1a céc diém biéu dién cac s6 phiic
= =140, 5 =142, 25 =2 —1i, 24— —3i. Goi S dien tich tit gise ABCD. Tinh S.
17 19 23 21

Loi gidi.

Tacoz =—-14+i= A(—1;1);

29 =1+ 2i = B(1;2);

z3=2—1=C(2;-1);

2 = —3i = D(0; —3).

AB =+/5, AC = V13, BC = V10, AD = V17, CD = 2v2.
AB + AC + BC 5+ 13+ /10

Do do: p, = 5 5
— AB - B —A

Dién tich tam giac ABC' 1a Saapc = \/]71 (P2 )(p12 ) pr ) = ;
) AD+CD+ AC  V17T+2V2++/13

o = = .

2 2
Dién tich tam gidc ACD la Spacp = \/pg(pg — AC)(py — AD)(p, — CD) = 5.
7 17

Vay dién tich tit giac ABCD 1a Sapecp = Saasc + Saacp = 3 +5= 5
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Chon dap an @ O
Cau 224. Cho s6 phitc z thda man |z| = /5 va s6 phitc w = (14 4)Z. Tim |w|.
A. 2v/5. B. 5. C. V10. D. V2 + /5.
Loi giai.
Taco |w| = |[(1+3)Z] = [1+i| - [Z2] = V2 |2| = V10.
Chon dap an (C) O
Cau 225. Trong cac sb phtic (1 + )2, (1414)3, (1+14)°, (1 +14)® s6 phtic nao la s6 thuc?
A (1+0)2 B. (1+1)% C. (1+14)°. D. (1+1).
Loi giai.
Tac6 (1+4)% =20, (L+i)? = 24+ 2i, (1+4)> = —4 — 4i, (1 +4)® = 16.
Chon dap an O
Cau 226. Cho sb phiic z = (1 + 2i)(5 — 1), z ¢6 phan thuc la
A. 5. B. 3. C. 9. D. 7.
Loi giai.
Ta c6 z = 7+ 9i. Vay phan thuc 1a 7.
Chon déap an @ O
Cau 227. Cho s6 phtic z théa man |z — 2 + 3i| + |z + 2 + 4| = 44/5. Tinh gi4 tri 16n nhat cia
= |z — 4+ 44|
A. max P = 7/5. B. max P = 5v/5. C. max P = 4+/5. D. max P = 6/5.
Loi giai.
batw=2z—4+4:. Tacod
2= 2430+ |z 4+2+i| =4V5
lw—+2 —i| + |w+6 — 3i| =45
w| — 2 =i + Jw| = 3|2 — | < 4v/5
& 2wl <8V5 o |w| < 4V5.

Chon dép an (C) O
Cau 228. Riit gon tong sau S = C3; + Coo15 + Cop1s + -+ + CI18.
22018 -1 22 019 + 1 2 2019 _ 1 22018 + 1
A S=——. B S=—— C.S=—. D S=——
3 3 3 3
Loi giai.

Trude hét ta c6 nhan xét, néu a 1a mot nghiém phiic ctia phuong trinh 22 — 1 = 0 (1), tiic 1a a # 1,
thi 1 4+ o + o? = 0 hay n6i ciach khac néu a 13 mot nghiem phiic ctia (1) thi o? cling 14 nghiém clia
(1). Ngoai ra

1 khi k=3t

o ={a khi k=3t+1,
a® khi k=3t+2.
2018

Bay gio ta xét da thic P(z) = (1 + z)*'® Z Cho1s2”.

672 672 672

3k 3k+1_3k+1 3k+2,.3k+2
Ta c6 P(x E C2018$ + E Coors T + g Cools @
k= -
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Dé ¥ ring
P(1) = CY5+ Copis + -+ + Coo1s = 22018,
P(a) = 08018 + C2018 I ng%g 2018
= (1+a)®% = (_a2)2018 — ot (a5 =
P(a?) = CY8+ Chorg -0 + -+ + CRI8. 4056

= (1+a2)28 = (—a)2018 = a2 (o) = o

Chon dap an @ 0

Cau 229. Ki hiéu a, b 1an lugt la phan thiyc va phan 4o ctia s6 phiic z = i(1 — 7). Khang dinh nao
sau day la dung?

Ala=1,b= -1 B.a=10=1. C.a=1b=1. D.a=1,b=—i.
Loi giai.
Tacoz=14+1suyraa=1,b=1.
Chon dap an O
Cau 230. Cho s6 phiic z = 5 — 4i. Modun ctia sd phiic z bang
A. 3. B. 9. C. v4l. D. 1.
Loi giai.
Ta c6 |z| = /5% + (—4)%2 = V41
Chon dép an (C) O
Cau 231. Cho céc s6 phiic z, w khéc 0 va théa méan: |z — w| = 2|z| = |w|. Tim phan thuc cta s6
phiic u = z
1 1 1
A ——. B. -. C. 1 D. -.
8 4 8
Loi giai.
N, z N 1
Tu gia thiet suyra‘——l‘zlva‘—):—. ()
w w 2
. (z—1)+9* =
bat — = x + yi, ta ¢6 (x) tuong duong véi 1
w 2., .2
Tty = -
4 1
Trut phuong trinh duéi cho phuong trinh trén ta duge x = 3
Chon dap an @ 0

Cau 232. Cho cac sb phiic z thda man |z — 1| = 2. Biét rang tap hop céac diém bicu dién cac s6
phic w = (1 + \/gz) z + 2 la mot duong tron. Tinh ban kinh R ctia duong tron do.

A. R=4. B. R =16. C. R=28. D. R=2.
Loi giai.

. w—2 w—3—/3i
Tacow—2:(+\/_z)z<:> +\/_z Zém_lzz_liT\/@:V_u
S lw—3—3i| =]z —1]-[14+V3i| = 4.

Tu do6 suy ra ban kinh R = 4.
Chondépén@ O
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Cau 233. S6 phiic z nao sau day théa man |z| = v/5 va 2 1a s6 thuan 40?
A. z=+/5. B. z = V2 + V3i. C. z = bi. D. z = —/5i.
Loi giai.
b=5 2 = V/5i
b= 5 L:_m

Vizléséthuénéonéntadatz:bié|z|:|b|:\/5:>[

Chon dap an @ O
. . R . 1
Cau 234. Cho s0 phtic z = mi v6i m # 0 la tham so6 thyc. Tim phan &o ctia s6 phtc —-
z
1 1 1 1
A ——. B. —. C. ——i. D. —.
m m m m
Loi giai.
1 1 ) N 1 1
Tacé—:—_:—i:>phanéocﬁa—la——-
z m m z m
Chon dap an @ 0
Cau 235. Cho hai s6 phiic z = (a — 2b) — (a — b)i va w = 1 — 24, biét z = wi. Tinh S = a +b.
A S=-T. B. 5=—-4. C. S=-3. D S=T1.
Loi giai.
Ta co
zZ=wl
& (a—2b)—(a—0b)i=(1—2i)i
& (a—2b)—(a—byi=2+1
a—2b=2
S
—a+b=1
a=—4
& =S=a+b=-T7.
b= -3
Chon dap an @ O
Cau 236. Cho s6 phiic (1 —4)z = 4 + 2i. Tim mo-dun cta s6 phitc w = 2z + 3.
A. 5. B. V10. C. 25. D. V7.
Loi giai.
bat z=a+bi v6i a, b € R.
Khi do

1—d)z=442ie(1—i)(a+b)=4+2i
& a+b+(b—a)i=4+2i

a+b=14

=
—a+b=2
a=1

& Sz=14+3i=>w=44+ 3
b=3

= |w|=5.

Chondépén@ O
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Cau 237.
Trong mit phang Oxy, cho cac diem A, B nhu hinh vé bén. Trung diém Y
ctia doan thang AB biéu dién s6 phiic gt ¥
1 1 ‘
A —1+2i. B. —54—22'. C.2—i. D. 2—51'. !
a___f
2 o] 1 =
Loi giai.
2 2 _1 1 .
Toa do trung diem cua doan thang AB 1a (7, 2). Khi d6 z = —5 + 21.
Chon dép an (B) O
Cau 238. Goi 21, 23 1a cac nghiém clia phuong trinh 22 — 82 + 25 = 0. Gia tri |2; — 2| bing
A. 8. B. 5. C. 6. D. 3.
Loi giai.
z=4+3 ) ) 21 =4+ 3
Taco: 22 —82+25=0« . Do dé6 phuong trinh c6 hai nghiem I3 :
z=4—3 2o =4 — 31

= |21 — 22| = |(4 + 3i) — (4 — 3i)| = |6i] = 6.

Chon dép an (C) O
Cau 239. C6 bao nhiéu s6 phiic z théa man diéu kien 2? = |z|* 4 27

A 1 B. 4. C. 2. D. 3.
Loi giai.

Dat z =a+bi(a,b € R). Ta c¢6

=1 4+7 & (a+bi)’=d>+b*+a—bi
& 2abi — b =b* 4 a — bi

2ab = —b
— bV =b+a

1
b—0 hoic g — ——
0 hoéc a 5

~
20* 4+ a = 0.
—b:O:1>a:O:>1z:0. L
— 4= - = b=t ===+ i
a 2:>b 2:>z 5 22
Vay c6 3 s6 phiic thda man.
Chon dép an (D) O

Cau 240. Gia st 21,22 1 hai trong s6 cac s6 phiic z théa man )iz +2 — Z‘ =1va |z — 2| =2.
Gia tri 16n nhat cta |z1| + |z2| bang
A. 4. B. 2V/3. C. 3v2. D. 3.
Loi giai.
Ta ¢6 ‘iz—l—\/i—z" —le )z— (1+¢\/§)’ ~1.
Goi 2 = 1+ iv/2 ¢6 diém biéu dién la T (1;/2).
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Goi A, B lan lugt 1a céc diém biéu dién clia 21,25. Vi |21 — 23| = 2 nén I 1a trung diém ctia AB. Ta

co

|21] + 22| = OA+ OB < \/2 (OA? + OB?) = VAOI? + AB? = /16 = 4.

DAu bang xay ra khi OA = OB.

Chon déap an @ U
Cau 241. Diém M(3; —4) la diém biéu dién ctia s6 phiic z, s6 phiic lién hop clia z 1a

A zZ=3—4. B. z=-3+ 4. C. z=3+4. D z=-3—4.
Loi giai.

Ta c6 z =3 —4isuyraz =3+ 4.
Chon dap an @ O
Cau 242. S6 nguyén duong n thda man he thie: C9, —C3 +C5, —CS§, +C5 —Cl 4.4+ (=1)"C3" =
91008 13,

A. 2018. B. 2016. C. 1009. D. 1008.
Loi giai.
Xét khai trién

(1+2)* =Cy, + Cyz + Cy 2 + C5 2% + Co at + CF 2 + -+ Con a1 Cona®”,
Cho = =1 ta c6

(1+4)* = CY +CLi+C2 i+QM“H%f+C%f+@MM— 4 Q2nmlnsl g Q2ngn
= €5, —C3,+C3, —C5, 4+ (-1)"C3n +i (Cy, — C3, + C5, — - = C37)

Khi d6 (1 4 )20 = 21008 & [(1 4 4)2]" = 21008 & (24)n = 21008 & gnyn — 91008 o ) — 108,
Chon dép an (D) O

Z 2 2 ~ 2z 1 .
Cau 243. Cho s6 phtic z théa méan |z — 2| = 2. Tap hop cac diem bieu dién so6 phitc w = 5(1 +i)z
trén mat phang toa do (Oxy) la mot dudng cong c6 do dai bang

A 4. B. 2V2. C. 2v/2r. D. 4.
Lo giai.

1 2 20 —2(1 41
Tacéw:§(1+z)z:>Z—% Taco|z—2|—2<:)‘——2‘ 2@‘%:2@
|2w — 2(1 4 4)| 12| - Jw — (1 +74)|

=2 : =2&|lw—-1—-1i=Vv2
1+ 1+ | =2

Tap hgp biéu dién s6 phitc w la dusng tron tam I(1;1), ban kinh R = /2. Chu vi dudng tron
P =27R = 2\/2~7.
Cach 2: Ta c6
1 , :
w = 5(1—1—2)(2—2)—1—(1—!—2)
S w—1—i=-(1+1i)(z—2)

DO | —

1
= |w—1—i|:§-|1+i|-|z—2|:\/§.
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Tap hgp biéu dién s6 phitc w la dusng tron tam I(1;1), ban kinh R = /2. Chu vi dudng tron
P =27R = 2\/2~.
Chon dap an (C) O

Cau 244. Cho sb phiic z thoa man z + (1 +4)z = 5 + 2i. Mo-dun clia z bang

A. 3. B. V6. C. V27. D. /5.
Loi giai.
Dat z=a+bi. Taco 2+ (1+i)z2=5+2i < (a+bi)+(1+i)(a—bi) =5+2i < 2a+b+ai =5+ 2i

2a+b=5 a=2
& =3 =z2=24+i=|z| =5
a=2 b=1

Chon dap an @ O

Cau 245. Cho s6 phiic z = a+bi (a, b 1a cac 6 thuc) thoa man |z| = |z — 34 4] va ¢6 mo-dun nhod

nhat. Gia tri ciia P = ab la

3
A B. 4. C. 2. D. 3.
Lai gidi.

bat z = a + bi, ta co

|z| = |z — 3 + 41

la + bi| = |a — bi — 3 + 44|

la + bi| = [(a —3) — (b— 4)i]
Va2 £ 12 = \/(a—3)% + (b—4)?
a+b0*=(a—3)>+ (b—4)7°
—6a+9—-8+16=0

6a + 8b — 25 = 0.

S R

Tap hop diém ciia s6 phitc z 1a duong thing 6z + 8y — 25 = 0. Vay mo-dun nhé nhat clia sé phiic 2
14 hinh chiéu vuong géc ciia goc toa do O len dudng thang.

Xét duong thang qua O va vuong goc véi dudsng thang 6x+8y—25 = 0 ¢6 phuong trinh 1a 8z —6y = 0.

L. ) 6 +8y —25=0
Goi H la hinh chieu ctia O lén duong thang 62+8y—25 = 0. Ta ¢6 toa do H thoa hé &
8r —6y =20
3
==
2,
y =2
3 o) js gia ez s oo o3 . 3 o
Suy ra H 3’ 2 | la diém bieu dién cua so phiic z = 5 + 2i. Vay a = 37 b=2khidé P =3.
Chon dép an (D) O

Cau 246. Cho sb phitc z = 6 + 7i. S6 phiic liéen hgp clia z trong mat phang (Oxy) c¢6 diém biéu
dién hinh hoc 1a

A (6;7). B. (6;—7). C. (—6;7). D. (—6; 7).
Loi gii.
Taco z =6+ 7i =z =6 — 7i = Diém biéu dién hinh hoc ctia z 1a M (6; —7).
Chon dap an ]
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Cau 247. Goi z la nghiém phitc c¢6 phan 4o am ctia phuong trinh 22 — 6z + 13 = 0. Tinh
|ZO +1-— Z|

A. V13. B. 13. C. 5. D. 25.
Loi giai.
Taco: 20=3—2i. Khidé |zo+1—i|=[3—-2i+1—i|=[4—3i|=+/16+9 = 5.
Chon dap an @ OJ
Cau 248. Néu z = i la mot nghiém phitc ctia phuong trinh 22 +az +b =0 v6i (a,b € R) thia + b
bang

A —1. B. 2. C. —2. D. 1.
Loi giai.
2 = 1 la mot nghiém phic ctia phuong trinh 22 4+ az + b = 0 nén ta co:
i2+a.i+b:O<:>az'+b:1<:>{ = a+b=1

b=1

Chon dép an (D) O

Cau 249. Cho s6 phiic z théa man |z — 3 — 4i| = /5. Goi M va m lan lugt la gia tri 16n nhat va
gid tri nho nhét cfia biéu thic P = |z 4+ 2|° — |z —4|>. Tinh S = M? + m?.
A. 1256. B. 1258. C. 1233. D. 1236.
Loi giai.
Cach 1: St dung diéu kién cé nghiém cia phuong trinh bac hai.
Goi z =z +yi, (z,y € R).
Taco|z—3—4i|=vVie |zt —3+(y—4)i|=vVie (z—3)7+ (y—4)> =5(%).
Taco P=z+2 — |z =i’ = (¢ + 22 +¢* — [0+ (y— 1) =4da + 2y + 3=y =
Thé vao (*) va rat gon ta c6: 20z* — 8(P — 8)x + P* — 22P + 137 =0
Phuong trinh bac hai nay c¢6 nghieme A’ = —4P? + 184P — 1716 > 0 < 13 < P < 33.
T doé ta cé6 M = 33;m = 13 = M? + m? = 1258.
Cach 2: St dung bit ding thic Bunhiacopaki.
Goi z =z + yi, (z,y € R).
Taco|z—3—4il=vVbe |z —3+@y—4)i|=vVoe (z—3)"+ @y —4)>=5.
Taco P=|z427—|z—i> = (2422 +12 — 22+ (y—1)?] = 4o+ 2y +3 = 4(x — 3) +2(y — 4) +23.
Ap dung BDT Bunhiacopxki ta c6:
4z =3) +2(y — ) < V(16 +4)[(z — 3)* + (y — 4)*] = 10
& -10<4(zx—-3)+2(y—4) <10 13<4(x—3)+2(y—4)+23<33< 13 < P <33.
T d6 ta co M = 33; m = 13 = M? + m? = 1258.
Chon dap an O

Cau 250. S6 phiic lién hgp clia s6 phiic 2z = 1 — 2i 1a
A 1+ 2. B. —1—2i. C.2—u. D. -1+ 2.
Loi giai.
Tacoz=1+ 2.
Chon dap an @ O

P—4x -3
2

Cau 251. Goi z; VA 2 13 hai nghiém phiic ctia phuong trinh 222 + 6z + 5 = 0 trong d6 2, c6 phan

40 am. Phan thuyc vao phan 4o clia s6 phtic z; + 32 lan luogt 1a
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A. —6;1. B. —1;—-6. C. —6;—1. D. 6;1.
Loi giai.
3 1.

Z71=—=+=1
Tac2224+62+5=0< g) ?

Z9 = —5\— 52 \ , \
Suy ra z; + 320 = —6 — ¢ , do d6 phan thyc va phan do ctia s6 phic z; 4+ 325 lan lugt 1a —6; —1.
Chon dap an @ 0

Cau 252. Cho s6 phiic z = a + bi (a,b € R,a > 0) thoa man |z — 14 2i| =5 va z -z = 10. Tinh
P=a-0.
A. P=4 B. P=-4. C. P=-2 D. P=2
Loi giai.
Goi z = a + bi(a,b € R).

{yz—1—2z'y:5 {(a—1)2+(b+2)2:25 {—2a+4b:10
= =

2-zZ=10 a’ + > =10 a’ +b> =10
a=2b—-5 a=—3(loai) a=1
= & hoac =P=1-3=-2.
562 —20b+15=0 b=1 b=3
Chon dép &n (C) O

Cau 253. Cho s6 phitc 2z théa man |z — 1 — i| = 1, s6 phitc w thdéa man |w — 2 — 3i| = 2. Tim gia
tri nho nhat cta |z — w|.
A. V13 -3. B. V17 -3. C. V17+3. D. V134 3.
Loi gidi.
bat z =z + yi, Dat w = a + bi. Khi d6
lz—1—d=1az-1+@H-1i=1e(@-1)>*+@H-1)>*=1
Do d6 tap hgp cac diém biéu dién s6 phiic 2 1a dusng tron (C;) c¢6 tam I;(1;1), r = 1.

[@—2-3i[=2&a-2-(b+3)i|=2 (a—2)"+ (b+3)" =4

Do dé tap hgp céc diém bicu dién sé phiic w 1a dudng tron (Cy) c6 tam I(2; —3), ban kinh R = 2.
|z —w| = y/(z — a)? + (y — b)? day la biéu thiic x4c dinh khodng cach gitta hai diém biéu dién cho

sO phiic z va w.
Ta c6 I 1o = v/17 > R+ r nén (C;) nam ngoai (Cy).
Khi d6 khoang cach ngan nhat giita hai diém lan lugt ndm trén hai dudng tron la:

d=1LI,—R—r=+17-3.

Chon dap an O
Cau 254. Cho hai s6 phiic z; = 2+ 37, 2o = —4 — 5i. Tinh z = 2; + 2.
A z=-2—-2. B. z=-2+2i. C. z2=2+42i. D. z=2-2i.
Loi giai.
z2=2z14+29=2+4+3i—4—5 =—-2—2i.
Chon dap an @ O
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Cau 255. Nghiém phiic ¢6 phan 4o duong clia phuong trinh 22 — 2+ 1 =014 2 = a + bi, a,b € R.
Tinh a + v/3b.

A. -2, B. 1. C. 2. D. —1.
Loi giai.
1 3
Ta c¢6 phuong trinh tuong duon (z — —) =& .
p g g g 5 1 1 \/g
z2==-——1
3 2 2
. 1 3
Do phan 4o ctia z duong néna:§ va b= - Do d6 a + v/3b =
Chon dép &n (C) O

Cau 256. Cho hai s6 phiic 2q, 2 thoa man |z; + 1 — i| = 2 v 29 = i2;. Tim gia tri 16n nhat m cta
biéu thitc P = |z, — 2.

A m=2/2+2 B.m=+v2+1. C. m=2V2. D.m=2.
Loi giai.
Ta c6 |2y — 29| = |21 — 21| = |1 —i| - |21] = V/2|z1]. Do d6 P 16n nhét khi va chi khi || 16n nhét.
Goi M(z;y) 1a diém biéu dién s phiic z;. Ta c6

i +1l—il=2& (z+1)°+(y—1)°=4

= M thudc duong tron tam I(—1;1), ban kinh R = 2.
21 16n nhat khi OM 16n nhat = M € OIN (I, R).
Duong thing OI la y = —x. Do d6 OI N (I, R) = {A(V2 — 1;1 — v/2); B(—V/2 — 1;3/2 4+ 1)}
Ma OA=2—-+2, 0B =2+2.
Nen maxOM = OB =2++2khi M = B < 2, = —v2—1+(v/2+1)i. Vay max P = m = 2+ 2/2.
Chon dap an @ [l
Cau 257. Cho hai s6 phiic 21, 25 théa man |z;| = 2, |z| = V3. Goi M, N la cac diém bidu dién cho
21 VA izy. Biét MON = 30°. Tinh S = |27 + 423|.

A. 5V2. B. 3V3. C. 4/7. D. V5.

L&i giai.

Y
2,
M
T ‘
| I
(0] 1 P
I N 2 3 x
Ta c6 S = |27 + 422| = |22 — (2i22)?| = |21 — 2020 - |21 + 2i2].

Goi P la diém biéu dién ctia sé phiic 2iz,. Khi d6 ta ¢
|21 — 2iza| - |21 + 2izy| = ‘O—M’ - (ﬁ?” : ’OTVf+ (75‘ - (W’ : ‘2(71" —2PM - OI.
Vi MON = 30° nén ap dung dinh 1f cosin cho AOMN véi OM =2, ON = /3 ta c6

MN? = OM? 4+ ON? —20M - ON cos MON =4+ 3 — 43 - c0s30° = 1 = MN = 1.
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Khi d6 theo Pitago ta c6 AOMN vuong tai N. Khi d6 AOMP c¢6 M N 1a duong cao dong thoi 1a

trung tuyén, tic 1a AOMP can tai M = PM = OM = 2.
OM?+0P? MP?

Ap dung dinh 1y duong trung tuyén cho AOMN ta c6 OI? = 5 I 7.
Vay S =2-PM-0OI = 4/7.
Chon dap an @ O

Cau 258. Xét cac s6 phiic z = a + bi (a,b € R) thda man |z — 3 + 3i| = /2. Tinh P = a + b khi
|z — 14 3i| + |z — 3+ 5i| dat gid tri 16n nhat.

A P=-2 B. P=-8. C. P=8. D. P=2.
Loi giai.
Ta c6 |z —3+3i| = vV2 < (a —3)>+ (b+3)? =2.
Tim gid tri l6n nhat cla |z — 14 3i|+ [z =3+ 5i] = /(e — 1)2 4+ (b+3)2 + /(a — 3)2 + (b + 5)2.
Ap dung bat ding thic Cauchy-Schwars ta c6

[\/(a—1)2+(b—|—3)2+\/(a—3)2+(b+5)2}2 <2[(a=1+(b+3)*+ (a—3)>+ (b+5)?]

< 4(a® — da +b* + 8b + 22).
Ta do6i bién a — 3 = u, b+ 3 = v. Tt d6 diéu kien 1a u? + v? = 2 va ta can tim gia tri 16n nhét cta

u? + v+ 2(u+v) +4 <2+ 24/2(u? +0v2) + 4 = 10,

a=4
Déubéngxéyrakhivachikhiu:v:1<:>{ NVay P=a+b=2.
b= -2
Chon dap an @ OJ
Cau 259. Tim diém M biéu dién sb phiic z =i — 2.
A M=(-2;1). B. M = (1;-2). C. M =(2;1). D. M = (2;-1).
Loi giai.

Tacoz=1i—2=—2+1-inén z duge biéu dién bsi diém M (-2, 1) trén mat phang phiic.
Chon dap an @ O

Cau 260. Cho s6 phiic z = a + bi (a,b € R) théa man z + 1+ 2i — (1 +)|z| = 0 va |z| > 1. Tinh
gi4 tri clia bicu thic P = a + b.

A. P=3. B. P=-5. C. P=-1 D.P=T.
L3i giai.
z=a+bi=|zl=Va2+ 02 valz=Va2 +02>1.
Khidoz+14+2i—(1+1i)|z|=0
Sa+bi+1+2—(1+i)Va2+02=0
Sa—Va+ 2 +14i-(b—Va2+b02+2)=0+0i

a—Va2+02+1=0 [Va2+bP=a+1
#{b_mJ&:Oé{m:b+2:>a+1:b+2:>b:a—1.
Thay b = a — 1 vho phuong trinh @ — Va2 + b2 + 1 = 0 ta duge
a—+/a?>+(a—12+1=0
S V22 -2a+1=a+1

a+1>0
20° —2a+1=a*>+2a+1
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a>—1
a>—1 a=0
& = a=0 <
a’> —4a =0 a=4
a=4

Véia=0=b=0—1=—1. Khi d6 va? + b? = 1 khong thda yéu cau bai toan.
Véia=4=b=4—1=3. Khidé+va?+b?=>5>1thda yéu cau bai toan.
SuyraP=a+b=4+3=T.

Chon dap an @ O
Cau 261. Goi 21,29 1a hai nghiém phiic ciia phuong trinh 2% + 42 +7 = 0. Khi d6 |z;1]? + |22/
bang

A 7. B. 10. C. 14. D. 21.
Loi giai.

Tac622 +42+7=0 2= —2+iV3V 2 =—2—iv3nen |z + [2[* = 14,

Chon dap an @ O

Cau 262. Goi A, B lan lugt 1a cac diém biéu dién ctia céc sb6 phiic z; = 1 + 24, 2o = 5 — i. Tinh do
dai doan thing AB.
A. /3T, B. 5. C. 25. D. /5 + V/26.
Loi giai.
Tacoz =142 = A(1;2) vi o =5 —i = B(5—1).
SuyraAB:\/m:S
Chon dap an O

Cau 263. Xét cic s6 phiic 2 = a + bi théa man |z —3 —2i| = 2. Tinh a + b khi |z + 1 — 21| +
2|z — 2 — 51| dat gia tri nho nhat.

A 4++/3. B. 2+ /3. C. 4 —/3. D. 3.
Loi giai.
Dit 2 —3—2i=a+bi—3—-2i=t=a+yi=|t|=2var?+y? =4
Taco|z4+1—2i|+2]z—2=5i|=t+4|+2|t+1—-3i| = /22 + 8z + 16+ y2 + 2|t + 1 — 3i]

1+16+38
:2\/¥+2|t+1—3¢|:2\/5+2x+2|t+1—3¢|
— 2/ + 1+ 2+ 2/ (z+ 1)+ B3—y)* > 2(ly| + |3 —y|) > 6.

r=—1
Déu b , 3 1> 0 r=—1 a—3=-—1 a=2
au bang xay ra <= y3—y) >0 < = < :
R y=v3 (b-2=Vv3 [b=2+V3
+y° =4
Chon dap z’m@ OJ
Cau 264. Cho s6 phiic 2 = a + bi khéac 0, (a,b € R). Tim phan 4o ctia s6 phtic 271
—b b a —bi
S B —. C. ——. D ——.
a® + b? a® + b? a® + b2 a® + b2
Loi giai.
1 —bi b
Taco 27! = e _ d

— — 7.
a+bi  a?4+b  a?+b2  a?+bh?

Phan 4o ctia s6 phiic 271 1a

a? + b2
Chon dap an @ O
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Cau 265. Tim s6 phiic liéen hgp ctia s6 phiic z = —1.

A. . B. —1. C. 1. D. —i.
Loi giai.
S6 phiic lien hgp ctia s6 phiic 1a s6 phiic ¢6 dang z = a — bi.
Chon déap an @ OJ
Cau 266.
Cho s6 phiic z c6 bidu dién hinh hoc 1a diém M nhu hinh vé bén. Khéng dinh Yy
nao sau day dang? T 3 x
A z=-3+2i. B.z=3+2i. C.z=-3-2. D.z=3-2 0 E
DY P y
Loi giai.
Ta thay diém M (3; —2) do d6 z = 3 — 2i.
Chon dap an @ O
Cau 267. Cho s6 phitc z = 1 + 4. S6 phiic nghich ddo cla z 1a
A B.1-i. c. 1 p. L0

\/§ . . 2 . . 2
Loi giai.
) 11 1—i 1—
SO phtic nghich déo cia z la — = - = : ‘ S !
z 147 (1—0)(1+19) 2

Chon dap an @ O

Cau 268. Cho i la don vi 40. Goi S 1a tap hop tat ca cac sd6 n nguyén duong c6 hai chit s6 thda
man 7" 13 s6 nguyén duong. S6 phan tit ciia S 1a

A. 22 B. 23. C. 45. D. 46.
Loi giai.
i" 1a 86 nguyén duong khi va chi khi n = 4k, vé6i k nguyén duong. Khi do, tap hop S = {n = 4k|3 <
k < 24}. Vay s6 phan t1t ctia tap S 14 24 — 3+ 1 = 22,

Chon déap an @ ([l
Cau 269. Cho s6 phiic z = —3 + 4i. Mo-dun ctia s6 phic 2 1
A 4. B. 7. C. 3. D. 5.
Loi giai.
Ta 6 |2| = \/(=3)2 + 42 = 5.
Chon dap an @ O
Cau 270. Cho s6 phtic z = a + bi. Phuong trinh ndo duéi day nhan z va z lam nghiem?
A. 2?2 —2az+ a?b? = 0. B. 22 —2az+a®>+ b =0.
C. 22 —2az—a>—b*=0. D. 22 +2az +a®> + b* = 0.
Loi giai.

Ta ¢6 z =a+ bt va Z = a — bi la nghiém cua phuong trinh
(z—a—bi)(z—a+bi)=0s (z—a)’+b* =0 2 —2az+a*+b* =0.

Vay z va 7 la nghiém ctia phuong trinh 22 — 2az + a® + b* = 0.
Chon dap an O
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2 2 ~ P Zz - 2 2
Cau 271. Goi M(z:y) I diém biéu dién cita s6 phtc = théa man log: 2 t2 1. Khi do

P4z —2[—1
(x;y) théa méan hé thic nao dudi day?

A (z4+2)%+9y>>49. B. (v +2)?+92<49. C. (r—2)2+9?<49. D. (z—2)% + 1> > 49.
Loi giai.
Dicu kien 4]z = 2| —1>0& (v —2)2 + 32 > L

16
Ta co
1]z—2|+2 |z —2]4+2 1
> 1l ——— <& 32 -2|+6<4z-2| -1 |z -2|>7
34z —2[— 1 oo =1 ~3 A 6<dz-2 l2=2]
& (2 —2)% +y* > 49.
Chondépén@ 0

Cau 272. Cho hai s6 thuec b, ¢ v6i ¢ > 0. Ki hieu A, B la hai diém ctia mat phing phiic biéu dién
hai nghiém ctia phuong trinh 22 + 2bz + ¢ = 0. Tim diéu kién ctia b va ¢ sao cho tam gidc OAB 1a

tam gidc vuong (véi O 1a goc toa do).

A . b=c B. ¥ =c. C. 20’ =c. D. b = 2c.
Loi giai.
Theo bai ra ta gia st A, B la diem bicu dién lan lugt cia Yy
21 =T +yi, 20 = x — yi, suy ra A va B d6i xitng nhau qua A

truc hoanh.
Ap dung dinh 1y Vi-ét ta c6

Zl+22:25€:—vaé21z2:x2+y2:c_ T

Dé tam giac OAB vuong khi va chi khi OM = MA= MB &
2] = [yl & 2? = y* = V2.

N e 2_
T do suy ra 2b° = c. B

Chon dap an @ O

Cau 273. Cho hai s6 phiic z;, 2o théa man diéu kien 2|z + 1| = |21 — 21 — 2| v |29 — i — 10| = 1.
Tim gi4 tri nhé nhat ctia biéu thic |2, — 2.
A. V10 + 1. B. 35— 1. C. V101 + 1. D. vV101 — 1.
Loi gidi.
Goi z; = x + yi khi d6 ta 6 2|z; + | = |Z1 — 21 — 2i| tuong duong véi
4@+ (1 —y)*) = 2y +2)°
4o +4 — 8y +4y* =4y* + 8y + 4

2

x2:4y4:)y:xz(P).

Goi 23 = a + bi khi d6 ta c6 (a — 10)* + (b — 1)? = 1, tit d6 suy ra 25 nam trén dudng tron
(z —10)*+ (y —1)* = 1(C).

Nhan thiy duong tron (C) ¢6 tam 7(10;1) va ban kinh R = 1.

Ta c6 |21 — 22| + 1 > |21 — 20| © |21 — 22| > |21 — 20| — 1 ({ 1 diém biéu dién cta z).
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) x? 2ot a2
Xét ham s6 f(x) = |21 — 20/* = (z — 10)? + <Z_1> :E+E—20x+101,
$3 3;2
céf’(x)=Z+w—20=0<:>(x—4)<z+x+5>=0<:>x:4.

Tit d6 suy ra ham s6 f(z) dat cuc tiéu tai x = 4, suy ra f(x) > f(4) = 45, Vo € R.

Vay ta c6 |z — 20| > |21 — 20| — 1 > v/45 — 1 = 3v/5 — 1. Dau bing x4y ra khi va chi khi z; = 4 + 4i
VA 29 12 giao diém gitta IM va dudng tron (C) (M la diém biéu dién clia 2;).

Chon dap an O

Cau 274. Trong mit phing toa do Ozy, cho diem M(—2;1). Héi diém M la diém bic¢u dién clia s6
phtic nao sau day?
A z2=2—1. B. z2=-2+u. C. z=-1+2. D.z=1-2.
Lo giai.
M(=2;1) = z=—-2+1.
Chon dap an O

Cau 275. Goi 21, 2 1a cac nghiém phiic clia phuong trinh 22 — 2z 4 10 = 0. Gia stt A, B lan ludt 1a

cac diém biéu dién z;, 2, trén mat phing phitc. Tinh do dai doan thing AB.

A. AB =6. B. AB = /10. C. AB = 2V/10. D. AB = 2.
Loi giai.
Tacoz =14+3iva zo=1—-3i = A(1;3) va B(1;-3) = AB =6.
Chon dap an @ O
Cau 276. Cho hai s6 phtic z; =2+ 14, 20 = 1 — 3i. Tinh T = |[(1 +4)21 + 223].
A. T =18 B. T = 3V2. C.T=0. D. T =3.
Loi giai.
(1+4i)z +22=(1449)(2+i) +2(1 —3i) =3 —3i = |(1 +9)z1 + 22| = VI + 9 = 3V2.
Chon dap an O
Cau 277. Cho hai s6 phiic z; = %+§i, 29 = —%%—g'. Goi z 1a s6 phiic thda man |32—\/§@'| = /3.

Goi M, m lan lugt 1a gid tri 16n nhit, nho nhéat ctia biéu thic T = |z| + |z — 21| + |z — 22|. Tinh
mo-dun ciia s6 phitc w = M + mia.

A. QTM B. V13. C. %g D. 4.

L&i giai.

/3 2

Ta c6 2% + (y —— ] = (C). Goi K, A, B lan lugt 1 cac diém biéu dién cta z, 21, zp. Khi d6

1
3 3
T=0K+ KA+ KB.
Ta c6 A, B, O thuoc dudng tron (C) va tam gidac ABO déu. Suy ra m = 20A = 2. Dang thitc xay ra
khi K trung vé6i O, A, B
Goi K thudc cung AB, ta ¢c6 KA- KB = OA-BK + AB-OK & KA = KB + OK suy ra

13 16 -3 21/21
T2 = KA =< Tf.vay |w|:’/T+4:\/T_'

Chon déap an @ OJ
Cau 278. Cho sb phiic z = (1 — 24)2, s phtic lien hgp clia 2 1a

A zZ=3—4. B. z= -3+ 4. C. z=-3—4i. D z=1+2i.
Loi giai.
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Tacoz=(1-2i) =-3—4i=2z=—-3+4i.
Chon déap an OJ
Cau 279. Goi 21, z 1a cdc nghiem phtic clia phuong trinh 222 — 2z + 5 = 0. Mo-dun ctia s6 phiic

w=4— 2%+ 22 bang

A. 3. B. 5. C. V5. D. 25.
Loi giai.
1 3
Phuong trinh 222 — 2z + 5 = 0 ¢6 hai nghiém phiic z172:§j:§i. Ta xét 2 truong hgp
1 3. 1 3. 1 3)\° (1 3)° .
—TH1.21:§—§Z,22:§+§Z:>UJ:4—(5—52)+<§+§>:4+BZ:>|w|:5.
1 3 1 3 1 3)\? (1 3)2
— TH2. 2, = = + =1 =—— 3 =4 — =+ =1 —— =) =4-3i = 5.
2 2—|—2Z,Zg 5 Tl <2+22)+ 5~ 5t 3i = |w| =5
Chondépén O
. . 3 . .
Cau 280. Cho z la so phitc thoéa man dieu kién s _—1—2‘ =1 va w 1a s0 thuan ao. Gia tri nhé
—2i

nhat ctia biéu thitc |z — w| bing

A.5—/5. B. V5. C. 2V/2. D. 1+ /3.

Lai giai.
— Dat z =z +yi (z,y € R)
3
Ta c6 1Z+2_+2 L 245 —di] = [1— 2] (2 +5)2 + (y—4)2 = 5.
— 41

Do d6 tap hop diém M (z;%) biéu dién z la duong tron (C) tam I(—5;4) va ban kinh R = /5.
— Datw=x+yi (r,y € R)

Ta c6 w 1a s6 thuan sdo < = = 0.

Do d6 tap hgp diém N(z;y) biéu dién w 1a truc Oy: o = 0.
— Tacé |z —w| = MN; MNpy, = d(I,0y) — R=5— /5.

Chon dap an (A) O
Cau 281. Cho zj, 29 1a cac sb6 phiic théa man |z;| = |z = 1 va |2 — 22| = V6. Tinh gia tri cia
biéu thiic P = |2z; + 2.
A . P=2 B. P=/3. C. P=3. D. P=1.
Lo giai.
a?+bi=1 a?+bl=1
Dat 21 = a1+b1i, 20 = as+byi. Theo dé ta cod a% + bg =1 & ag + bg =1

(ay — 2a)* + (by — 2b3)* =6 4(araz + biby) = —1
P =221 + 22| = /(241 + a2)? + (2b1 + b2)? = \/4(a? + b2) + (a3 + b3) + 4(aras + biby) = 2

Chon dap &n (A) O
Cau 282. Cho sb phiic z = —1 + 2i. S6 phitc Z dude biéu dién béi diém nao dudi day tren miit
phang toa do?
A. P(1;2). B. M(-1;2). C. N(1;-2). D. Q(—1;-2).
Loi giai.
7 = —1 — 2i = z dugc biéu dién bdi diém (—1; —2).
Chon dap an @ 0
Cau 283. Cho sb phiic z thoa méan |z| — 2z = =7+ 3i + 2. Tinh |z|.
25 13
A. 3. B. 5. C. —. D. —.
4 4
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Loi giai.
Goiz=a+bi=7Z=a—b.
Theo gia thiét ta co

Va?+0?—2a—bi)=—-T+3i+a+bi < Va?+b?>—-3a+7+b—-3)i=0

5
a*+9=(3a—7)>° a = — (loai)
Va2 +b?—-3a+7=0 Va2 +9=3a—-7 ( ) 4
& & = 43a—-7=>20 SN aq=4
b—3=0 b=3
b=3 b=3
Vay |z| = 5.
Chon dép an (B) O
. . |z—3—-2i| <1 S
Cau 284. Cho hai so phtic z, w thdéa méan . Tim gia tri nhé nhat P,
lw+ 1421 < |w—2—1i

ctia biéu thitc P = |z — w|.
A. P, = @ B. P, = m C. Py, = 5\/5—_2

D. P, =2+ 1.
5 5 5 V2 +
Loi giai.

Goiz=x+4+yivaw=a+ b v6i a,b,z,y € R.

|z —3-2i| <1 lz+yi—3—-2i| <1
=
w41+ 2i] < |w—2—1 la4+bi + 1+ 2i] <|a+bi —2—i

V0@ —32+(y—-22<1 <${@—3F+@—2V§1
Via+1)?+0+22</(a—22+0b-12 la+b<0

Vay diém biéu dién hai s6 phiic z va w trén mit phang toa do Ozy tuong tng la diém thuoc hinh
tron (x — 3)%2 + (y — 2)? = 1 va nita mat phang dugdc gidi han bdi phuong trinh = + y = 0. Bai toan

yéu cau tim gia tri nhé nhat ctia P = |z —w| = /(z — a)? + (y — b)?, nghia la tim khoéng cach ngin

nhat gitta hai diem bieu dién clia z va w.

s 13+ 2| 5v/2 — 2
Khoang cach d6 la dij.qy —~ R= ——m——— 1= ———.
: RV 2
Chon dap an @ O
Cau 285. Phan 4o clia s6 phiic z = 5 + 2i bang
A. 5. B. 5. C. 2 D. 2:.
Loi giai.
S6 phiic z = a + bi ¢6 phan 4o 14 b nén s6 phiic z = 5+ 2¢ ¢6 phan 4o 1a 2.
Chon dap an @ O
Cau 286. Biét z; va 2 la hai nghiém ctia phuong trinh 2224 /32+3 = 0. Khi do, gié tri ctia 22 4 22
1a 0 0
A - B. —-. C. 9. D. 4.
4 4
Loi giai.
V3 V21,
V3 =gt Ea) 9
222 +V32+3=0% . Khi d6 22 + 22 = ——.
V3 V21, Ty
S e e )
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2
3 9

Céch khac: 27 + 22 = (21 + 22)? — 22120 = <__) —9. 5= 7

Chon dap én@ 0

Cau 287. Cho hai s6 phiic 21, 2 ¢6 diém biéu dién lan luot 1o M;, M, cung thuoc duong tron cé
phuong trinh: 22 + y? = 1 v& |21 — 25| = 1. Tinh gia tri biéu thic P = |2 + 2,|.

V3 V2

A.P:T. B. P =2 C.P:7. D. P =+/3.

Loi giai.
Ta c6 M, M, thude dusng tron tam O(0;0) va ban kinh R = 1.
|Zl — 22’ =1l MM=1< AOMlMQ la tam gléC deu canh béng 1.

. 3
Goi H la trung diem M M, = OH = g
. V3
Khi d6 P = |2 + 2| = ’OMl +0M2( - ’20}1( =20H =2 " =3,
Chon dap an @ O
7z - ]_ 1 2z ?
Cau 288. Cho s0 phiic z thoa méan © -| = —. Tim gia tri 16n nhat cta bieu thic P =
z+ 3t V2
|z +i|+ 22— 4+ 7|
A. 8. B. 20. C. 2V5. D. 4v/5.
Lai giai.
z—1] 1
z4+3i| V2
& V202 -1 =z +3i|
& 2@ —-1)72+2* =27+ (y + 3)*
s 2?4y -4 —6y—7=0
& (r—2)*+(y—3)* =20.

Do d6 tap hop diém bicu dién s6 phiic z la duong tron (C) c6 phuong trinh (z —2)2 + (y — 3)? = 20
v6i ban kinh R = 21/5.

P=|oti|+2[F—4+Ti| = |z +i|+2]z — 4 — 7Ti| = MA+2MB v6i A(0; —1), B(4;7) lan luot bidu
dién s6 phiic 2, = —1i, 29 = 4 + Ti.

Ta c6 A(0; —1), B(4;7) € (C) va AB = 4y/5 = 2R nén AB la duong kinh duong tron (C).

= MA? + MB? = AB? = {0.

Mt khac: P = MA +2M B < \/5(MAZ + MB?) = 20.

Dau bang x4y ra khi M B = 2M A. Vay gia tri 16n nhat ctia P 13 20.

Chon déap an O
Cau 289. Cho s6 phitc z = 1 + i/3. S6 phiic lien hop ciia 2 1a

A Z=1-iV3. B.z=-V3—i. C.z7=—-1+1iV3. D.zZ =3+
Loi giai.

z=a+1b=7Z=a— bi.
Chondépén@ OJ

Cau 290. Cho s6 phtic z théa man: (3 + 2i) z + (2 — i) = 4 + 4. Higu phan thuc va phan &o clia s6
phtic z bang
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Al B. 0. C. 4. D. 6.
L&i giai.

(34+2) 24+ 12— =4+ie (3+2)2+3—4)=4+1

1+ 54
(3+2i)z +5i & 2 T
(L+5DB-2) 1B+
= p=———— = i
32 422 13
Hiéu phan thiic va phan 4o 1a: 1 —1 = 0.
Chon dap an O
) 1z — (314 1)z ) 261 .
Cau 291. Cho so phiic z # 0 théa man mf—j_—i_)z = |2|*. S6 phitc w = % c6 modun bang
i
A9 B. v/26. C. V6. D. 5.

Lai giai.
Goi s6 phiic z ¢6 dang : z = a + bi(a,b € R).
Do z # 0 nén a* + b* > 0. Ta c6:
iz = (Bi+1)7 _ o
1+
Siz—(3i+ 1)z = (141) |2
Si(a+bi) — (3i + 1)(a — bi) = (1 +4)(a® + b?)
&ia—b—3ai — 3b—a+ bi = a® + b* +i(a® + b%)
&(—a —4b) + (b —2a)i = a® + b* +i(a® + b?)

—a—4b = a® + v? —a—4b=0b—2a
= =
b—2a=a*+b —a—4b=a® +b*

a=>5b
- a = 5b - b—0
— 9b = 260 9
b=——
26
a=">b=0 (loai)
= 45 9
a=—-——,b=——
26 26
26 ( 45 9,) ,
Ay we= i —o - i) =1— =2
Vay : w 92( %~ 26 5i = |w| = /26
Chon dép an (B) O

Cau 292. Cho s6 phtic z = a + bi (a,b € R) théa man dicu kién |22 + 4| = 2|z|. Dat P = 8(b* —
a?) — 12. Khang dinh nao duéi day ding?

A P=(:-2%  B.P=(f-4). CP=(:-4" D.P=(:-2)"
Lo giai.
Ta c6
2% + 4| = 2|7

& Ja? = b + 4 = 20bi] = 2|Va? + 7

& (a2 — b+ 4)2 +4a%h? =4 ((12 + b2)
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@(a2—b2)2+4a2b2+8(a2—b2) +16:4(a2+b2)
(:)(a2+b2)2—|—8(a2—b2)+16—4(a2+b2) =0
& (@ +0°) —4(a®+ 1) +4=8(0—a®) — 12
& (a®+ 02 —2)" =8 (1 — a?) — 12
e (1P -2) =81 - a®) — 12,
Vay P = <]z\2—2)2.
Chon dap én@ O

Cau 293. Phan 4o clia s6 phiic z = 2 — 3i 1a

A. -3. B. —3i. C. 2. D. 3.
Loi giai.
Phan 4o 1a —3.

Chon dap an @ [l

Cau 294. Cho s6 phiic z = a + bi (a,b € R) théa méan (2 +1+14)(Z — i) + 3i = 9 va |z| > 2. Tinh
P=a+0.

A. -3. B. -1 C. 1. D. 2.
Loi giai.
Taco (z+1+44)(z—1)+3i =9 224+i(z—2)+z2—i+1+3i=9 & >+ 0> +20+a—bi+1+2i = 9.
Dod6b=2vaa*+a=0<% a=0hoica= —1. Do [z| > 2 nén ta chon a = —1. Vay P = 1.

Chon dép an (C) O
Cau 295. Cho s6 phtic v = 3 + 4i. Néu 22 = u thi ta c6
z=4+41 z=142 z=2+1 z=1+1
. B. . C. . D. .
z=—4—1 z2=2—1 z2=—-2—1 z=1—1
Loi gidi.
o
a—v =3 b=
V6iz=a+bi, a,b € Rtaco2?=u<a?—b*+2abi =3+ 4i < & .
2ab =4 a=—2
b=-1
Chondépén@ O

Cau 296. Cho hai s6 phtic z, w théa man |z — 1| = |2+ 3 —2i| va w = 2+ m+1i v6i m € R 1a tham

s6. Gia tri clia m dé ta luon cé |w| > 2/5 la

m > m>17
) B. ) C. -3<m«<T7. D.3<m<T7.
m <3 m < —3
Loi giai.
Tacoz=w—m—inén|w—m—1—i|=|w—m+3— 3i|

Goiw =a+bi, a,b € R. Ta ¢6

l(a—m—1)+(b—-1)i|=|(a—m+3)+(b-3)i| < (a—m—-1)?>+(b—-1)> = (a—m+3)*+(b—3)?
Suy ra b = 2a — 2m + 4. Ta lai c6

lw|? = a® +b* = a® + (2a — 2m + 4)? = 5a? + 8(2 — m)a + 4m? — 16m + 16.

Dé |w| > 2v/5 < 5a% + 8(2 — m)a + 4m? — 16m — 4 > 0 v6i moi a.
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m >7
Tuong duong véi A’ <0< 16(2 —m)? —5(4m?* —16m —4) <0 &< -
m < —3

Chon dap an O
Cau 297.
Diém M trong hinh vé bén la diém biéu dién ciia s6 phiic z. Tim phan thuc va y v
phan 4o ctia s6 phic z. 4dr-----=

A. Phan thuyc la 4 va phan 4o 1a 3. B. Phan thuc 1a 3 va phan éo la 44. |

C. Phan thyc 1& 3 va phan 4o 1a 4. D. Phan thyc 1a 4 va phan 4o 1a 3i. i

0 3

Loi gidi.
Diém M (3;4) la diém biéu dién ctia s6 phiic z = 3 + 4i.
Chon déap an @ OJ
Cau 298. Cho sb phiic z thoa man z(1 +4) = 3 — 5i. Tinh modun cia z.

A |z| =4 B. |z| = V1T. C. |z| =17. D. |z| = 16.
Loi giai.

33—t 3—501)(1—1

Tacoz(1+1)=3—-5his z= 1+; = ((l—l—zz))((l—zz)) = —1 — 4i. Suy ra |z| = V17.
Chon dap an (B) O
Cau 299. Cho hai s6 phiic 2; = 2 + 37 vi 29 = —4 — 5i. Tim s6 phtic z = 2z + 2.

A z2=2+2. B . z=-2-2i. C. 2=2—2. D. z=-2+ 2.
Loi giai.
Ta co6 21 + 20 = (24 31) + (—4 — 5i) = —2 — 2.
Chon dap an OJ

Cau 300. Trong mat phiang toa do Oxy, goi M, N, P lan lugt 1a cac diém biéu dién céc s6 phiic

2 =141, 20 =8 +1, 23 =1 — 3i. Khdng dinh nio sau day la mot meénh dé ding?

A. Tam giac MNP can, khong vuong. B. Tam gidc MNP déu.
C. Tam gidc M NP vuodng, khong can. D. Tam giac M N P vuong can.
Loi giai.

Ta c6 M(1;1), N(8;1), P(1;-3).

nén MN = (7:0); MP = (0; —4); NP = (—7; —4) va MN = 7; MP = 4; NP = \/65.

Ngoai ra MN - MP =0 nén tam giac M NP vudng tai M nhung khong céan.

Chon dap an @ O

Cau 301. Ki hiéu z; 1a nghiém phtic c6 phan 4o am ctia phuong trinh 422 — 162 + 17 = 0. Trén mit
. Y . . 3
phang toa do, diem nao dudi day la diem bieu dién s6 phitc w = (1 + 2i)z; — 52’?

A M(—2;1). B. M(3;-2). C. M(3;2). D. M(2;1).
Loi giai.
1 1 3
Tacé,21:2—§i:>w:(1+2i) (2—52') —éi:3—|—2i:>M(3;2).
Chon dap én@ O

Cau 302. Cho hai s6 phiic 21, 25 thda man |z; + 1 — 4| = 2 va 23 = i2z;. Tim gi4 tri nhd nhat m cla
biéu thitc |z; — zo].
A.-m=+v2-1. B. m =2v2. C.m=2. D. m=2V2-2.
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Loi giai.
Taco |z +[1—d| > |z +1—i| =2= |z] >2— V2

q=k(1—i),(keR k>0
Dau “=” xay ra<:>{ ' ( ) ) Sz = (V2 -1)(1—14).

|21 +1—i| =2
Lai ¢6 |21 — 2| = |21 —iz1| = |21(1 —0)| = |z1] - |1 —i] = |z] - V2 > 2v/2 — 2.
Chon déap an @ OJ
Cau 303. Diém biéu dién ctia s6 phiic z 1a M (1;2). Toa do6 ctia diém biéu dién cho s6 phitc w = z—27
la
A. (2;-3). B. (2;1). C. (—1;6). D. (2;3).

Li giai.

T gid thiét suy ra z = 1 + 2i.

Tt d6 w=z— 2z = (1+2i) — 2(1 — 2i) = —1 + 6i.

Vay toa do clia diém biéu dién s6 phitc w 1a (—1;6).

Chon déap an @ OJ

Cau 304. Goi z; vd 2, lan luot 1a hai nghiém clia phuong trinh 22 — 4z + 5 = 0. Gia tri ctia biéu
thitc P = (21 — 229) Zo — 42 bang
A. —10. B. 10. C. —5. D. —15.
Loi giai.
Taco P =z -7y — 22y - Zo — 421 = (21)? — 2|20|* — 421 = (21)? — 2|21 |* — 421.
Giai phuong trinh da cho, thu duge hai nghiém la 2 +i.
e Néuz =2—ithh P=(2-1)2?-2(22+1%) —4(2—-1) =4 —4i+i> - 10 — 8 + 4i = —15.
e Néuz =2+ithh P=(2+1)>—2(22+1?) —4(2+1i)=4+4i+i*— 10— 8 — 4i = —15.
Vay P = —15.
Chon dap an @ ([l
Cau 305. S6 phtic z = (1 +1) + (1 +1)? +--- + (1 +1)*"® ¢6 phan 4o bang
A, 21009 1 B. 2199 4+ 1. C. 1 — 21009, D. —21009 _ 1,
Loi giai.

Ta cb

. . . ‘ 1 + Z')2018 -1 (1 + Z’)2019 —1= i
= (1 1 2 L 1 2018 _ 1 ( _ .
=140+ 1+ + -+ (1+10) (1+1) e i

(144 =142i+*=2i = (1+14)" = (2i)> = —2°
= (1 + 7:)2019 — (1 + ,L')4~504+3 — (1 + Z')4'504 % (1 + 2)2 % (1 + Z) _ 21009 g (1 + Z)

1
= 5= 21009(1 4 Z) S — 1 — 21009(1 4 Z) 4 Z . 1 — (21009 . 1) + (21009 + 1)Z
(3
Vay phan 4o ctia z bang 2109 + 1.
Chon dap an O

Cau 306. Khai trién ctia bicu thiic (22 + x +1)2°'® duge viét thanh ag+ a12 + asx? + - - - 4 as03670°%.
Tong S = ag — ag + ag — ag + - -+ — Quoz4 + G036 bang
A, 21009, B. 0. C. 21009, D. —1.
Lai gidi.
Ta c6 i = —1, i* =1 = i**2 = —1, i* = 1 v6i moi m nguyén duong.
Theo gia thiét thi (z% + z + 1)?1® = ag + a10 + aox® + - - - + ag036701%C.
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Cho x = 1, thu dugc
|:(Z>2 + i + 1] 2018

o 2-2018

- 2 3 4 4034 4035 4036
= ag + a1t + a21” + azt” + agl + - -+ + Q40347 + Q4035 + Q4036?

B . 3 4035

=ap + Q17 — A2 + a3l 4+ g + - -+ — Q4034 + Q40350 + Q4036

& —1=(ag—ay+as+ - — @34 + aso36) + (@17 + asi® + -+ + asssi ™) . (1)

Chi ¥ ring véi moi n = 2m + 1 18 thi " = ™! = 2™ = (—1)™{ la s6 thuan 4o, nén
(1) & —1=ag—ag+ ag4 — -+ — a4034 + Q4036-

Chon dap én (D) O

Cau 307. Cho cac s6 phtic 21, 22, 23 théa man diéu kien |21 = 4, |ze| = 3, |23] = 2 v 421 - 25 +
162y - 23 + 921 - 23| = 48. Gi4 tri ctia biéu thitc P = |2 + 25 + 23| biing

A. 1. B. 8. C. 2. D. 6.
Loi giai.
Dat 2y = 4wy, 23 = 3wy, 23 = 2ws Vi |w| = |we| = |ws| = 1. Thu duge

|4 . 411)1 . 3’[1)2 + 16 - 3w2 . 2w3 + 9. 421)1 . 2w3| =48 & |2w1w2 + 4w2w3 + 3w1w3| = 2. (1)

Nhan vao hai vé ctia (1) v6i |w,waws|, véi cht y rédng 2 +w =2z 4w, z-w =z - W, 2 - Z = |z[%
1

|2E3 + 4w, +3E2| =2& |QU)3 + 4wy + 3w2| =2

= ]2w5—{—4w1+3w2|:2<:)]z1+22+23|=2

Vay P = 2.
Chon dap an @ O
Cau 308. Tinh mo-dun ctia s6 phitc z = 2 — 3i.
A. |z] = 13. B. |z| = V13. C. |z| =-3. D. |z| =2.
Loi giai.
Ta c6 |2| = /22 + (=3)2 = V/13.
Chon dap an OJ

Cau 309. Tren tap s6 phric, biét phuong trinh 224+az+b = 0 (a,b € R) c6 mot nghiem 1a 2 = —2+1.
Tinh gia tri cia T = a — b.
A. T =4 B.T=-1 C.T=09. D.T=1.
Loi giai.
z = —2 4+ i 1a mot nghiém ctia phuong trinh khi va chi khi

(=243 +a(-2+i)+b=0 ©4—4i—1—-2a+ai+b=0

3—2a+b=0 a=4
= =
—44+a=0 b=25.

SuyralT =a—b=—1.

Chon dép an (B) O
Cau 310. Cho hai s6 phiic: 2 = 1 — 21, 25 = 2 + 3i. Tim s6 phtic w = 2; — 22,.
A w=-3+8i. B.w=-5+1. C.w=-3-28i. D w=-3+u1.
Loi giai.
Ta c6 w =21 — 22 = (1 — 2i) — 2(2 + 3i) = —3 — 8i.
Chon dap an @ O

Suu tam € bién soan Th.s Nguyén Chin Em 87 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 311. Cho s6 phic |z — 1 + 2i| = 2. Biét ring tap hop cic diém biéu dién s6 phic w =
3 —2i+ (2 —1i)z la mot dusng tron. Tinh bén kinh R ctia duong tron do.

A. R=20. B. R=/T. C. R =2V5. D.R=T.
Loi giai.

w—3+2i72x—y—8+x+2y+1,

Ta goi w = x + yi khi d6 z = 5 = = 1 tu do
—1

|z =142 =2= 20—y — 13+ (z+ 2y + 11)i| = 10
= (20 —y—13)*+ (z + 2y + 11)* = 100
& 2?4y —6x+ 14y +38=0.
Day 13 phuong trinh dudng tron c6 R = /32 + 72 — 38 = 21/5.
Chon dap én@ O

Cau 312. Goi A, B lan lugt 13 diém biéu dién hai nghiem phiic ctia phuong trinh 22 + 2z +5 = 0
tren mit phang phiic. Tinh do dai doan thing AB.

A. 6. B. 2. C. 4. D. 12.
Loi giai.
z=—1+4+2
Taco 2> +22+5=0& (2+1)? =47 & :
z=—-1—-2
bat A(—1;2), B(—1; —2), suy ra AD = (0;—4) = AB = 4.
Chon dap an (C) O
Cau 313. Cho sb phiic z = —2 + i. Diém nao sau day la diém biéu dién ctia s6 phtic w = iz trén
mat phang toa do?
A. P(—2;1). B. N(2;1). C. Q(1;2). D. M(-1;-2).
Loi giai.
C6 w = zi =i(—2+1i) = —1 — 2 nén diém biéu dién ctia w la diéem M(—1;—2).
Chon dap an @ O

Cau 314. Gid st 21, 23 1a hai nghiem phiic ctia phuong trinh |(2 + 4)[z]z — (1 — 2i)z| = |1 + 3i| va
|21 — 22| = 1. Tinh M = |22 + 32|.
A. M =19. B. M = 25. C. M =19. D. M = /19.
Loi giai.
Ta 6 |(2+14)|z[z — (1 = 20)z| = |1+ 3i] & |2[(2+1)]z| — 1+ 2i] | = |1 + 3i]
12/ @12 = 1)* + (2] +2)* = V10 & |2 (512 +5) =10 [2[' + | —2=0 |2 = 1.
Suy ra |z1] = |22| = 1.
Mit khac |22; + 329]* = (221 + 322) (221 + 3%2) = 13 + 6 (2172 + Z1.22)
valzr —»)? = (21— 2) (71 — ) = 2 — (21.22 + Z1.22).
Do dé M? + 6]z, — 2|*> = 25 = M = /19.
Chon dép an (D) O

£ 2 ~ A 2 2 ~ X . Z +E . £ - .
Cau 315. Trong tat ca céc so phiic z théa man dieu kién |z+ 1] = ‘T + 3|, goi so phtc z = a+bi

(a,b € R) la s6 phiic ¢c6 mo-dun nh6 nhat. Tinh S = 2a + b.
A. 0. B. —4. C. 2 D. —-2.
Loi gidi.
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24z

Tacc’)|z+1|:‘ +3‘(:)\/(a+1)2—|—b2:\/(a—|—3)2(:)b2:4a+8.

Lai ¢6 |z| = va? + b? = va? + 4a + 8 nhd nhét khi a = —2 = b= 0.
Vay S =2a+ b= —4.

Chon dap an O

Cau 316. Trong mat phang Ozy, s6 phitc z = 2i — 1 dugc biéu dién bdi diem M c6 toa do 1a

A (1;-2). B. (2;1). C. (2;-1). D. (—1;2).
Loi giai.
S6 phtic 2 = —1 + 2i ¢6 diém biéu dién M (—1;2).
Chon dap én (D) O

Cau 317. Goi 2, 2o 1a hai nghiém ctia phuong trinh 22 — 7z + 5142°%% = 0. Tinh gia tri biéu thiic
P = 221 — 2129 + 22’2.

A. P=-37. B. P =58. C. P = —065. D. P=—44.
Loi giai.
Tacod 22 — 72+ 51728 =0 < 22 — 72+ 51 =0.
21+ 29 = 7
Theo dinh ly Vi-ét ta co
Z1 Ry = 51.

Tw dé suy ra P =22y — 2129 + 229 = 2(21 + 29) — 2122 = 14 — 51 = —37.

Chon dap an @ O

Cau 318. Cho s6 phiic z = a + bi v6i a,b € R théa man [z|(24+14) = 2 — 1+ i(2z + 3). Tinh
S = 3a + 5b.

A. S=—11. B. S=-5. C.S=-1. D.S=1.
Lai gidi.

ta co

2|2 +i)=2—-1+i(2z2+3) & Va2 +b2(2+i) = a+bi — 1 + (2a + 2bi + 3)i
S2Va2 + 02+ Va2 + b2 =a—2b— 1+ (2a + b+ 3)i.

a—2b—1=2vVa®+?
2a+b+3 = Va2 + b2

Giai hé ta dugec a = 3 va b= —4, tut d6 suy ra S = 3a + 5b = —11.
Chon dap z’m@ U

T do6 suy ra {

Cau 319. Cho s6 phtic z théa méan |z + 2 — i| + |z — 4 — 7i| = 61/2. Goi M, m lan lugt la gia tri 16n
nhat va gia tri nhé nhat cta |z — 1+ ¢]. Khi d6 P = M? + m? béang

171 171 167 167
A —. B. —. C. —-. D. —.
2 4 4 2
L&i giai.
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Gid st 2 = o + yi v6i x,y € R. Goi P, A, B lan luct 1a

diém biéu dién cho cac sé phic z,—2 + i,4 + 7i. Khi do6 y
PA=|z+42—i|

P(z;y), A(—=2;1), B(4;7) va { PB = |z — 4 — Ti|
AB = 6V2.

T désuy ra |z + 2 —i|+|z — 4 — 7i| = 6v/2 & PA+PB =
AB hay tap hop cac diém P biéu dién cho s6 phtc z la
doan thang AB.

Goi K 1a diém biéu dién s6 phitc 1 —i = K(1;—1), khi d6
KA=+13,KB=+T3va |z —1+1i| = PK.

Ta c6 M = max{KA, KB} = \/73.

Dé thay tam giac KAB la tam gidc c6 ba géc nhon, do
d6 hinh chiéu vuong géc H ciia diém K tréen dudng thing
AB nam trong doan AB, do d6 m = KH = d(K, AB).

8 r+2 y-—1
Duong thang AB ¢6 phuong trinh = h — 3=0.
ng thang cO phuong trin 112 T-1 ay r —y +

1—(-1 3 5) 5)

Do do d(k, Ay = L= CV+3L 5 5
25\/5171 V2 V2

VayM2—|—m2:73+7=T.

Chondépén@ O

Cau 320. Tim s6 phtc lien hop ctia s6 phiic z = 3 + 2i.

A zZ=3-2i. B.z=-3-2i. C.z=2-3. D.z=-2-3i.
Lai gii.
Ta c6 s6 phiic lien hgp ctia s6 phitc 2 =3 +2i 1a Z = 3 — 2i.

Chon dap an @ O

Cau 321. Cho s6 phiic z théa méan |z +3 — 44| = 5. Biét ring tap hgp diém trong mit phang toa do

biéu dién céc s6 phitc z 13 mot duong tron. Tim toa do tam [ va ban kinh R ctia duong tron doé.

A I(3;—4), R=+5. B.I(-3;4), R=+5. C.I(3;-4), R=5. D. I(-3;4), R =5.
Loi giai.
Goiz=z+iy, (v,y eR) thi 2 +3—4i|=5< (v +3)? + (y — 4)* = 25. Vay tam I(—3;4) va ban
kinh R = 5.

Chon dap an @ O

Cau 322. Tong phan thuc va phan 4o clia s6 phiic 2 thda man iz + (1 — i)z = —2i bang
A 2. B. —-2. C. 6. D. —6.

L&i giai.
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Goiz:x+iy, ($,y€R>-

iz+(1—i)z2=-2i & i(z+iy)+(1—i)(r—iy) =—2i
& (x—2y)+2—-y)i=0

x—2y=20 r=14
4 <~
2—y=0 y=2
Vay x +y = 6.
Cach 2: Cach trac nghiem

Nhap may tinh iz + (1 — i)z
CALC z =1 ta dugc 1 + 0¢; CALC z =14 ta dugec —2 — 1.

le =2y =0 r=4
Giai he &

Oz — 1y = -2 Yy = 2
Vay « +y = 6.
Chon dap an @ O
Cau 323. Cho s6 phiic z thoa man |z| < 2. Gia tri nhé nhat ctia P = 2|z + 1|+ 2|z — 1| + |2 — 2z — 44|
bang
14 7
A 4+2V3. B. 2+ /3. C. 4+ —. D. 24+ ——.
V15 V15

Loi giai.

Gid stz =2 +yi v6ix,y € R. Taco |2| <2< 22 +y*> < 4. Suy ra x,y € [-2;2].
Khi do

P=2/(z+1)2+124+2y/(x — 1)2 +y2+2y—2| = 2 (\/(:c+ 12+ 92 4+ /(1 — 2)? +y2>+2|y—2|.

Bing phép bién ddi tuong duong véi chi ¥ |z| > o, ta c6: V6i moi s6 thuc a, b, ¢, d,

Va2 + b2 +vVe2 + a2 > \/(a+c)2+(b—|—d)2;

w_»

dau x4y ra khi ad = be > 0. Ap dung bt déng thic nay véia =z +1,c=1—z, b=d =y v

tinh chat clia gia tri tuyet doi ta c6

P>2\/(+1+1—a2+(y+y)?2+22—y) =41+ -2y +4.

. 1
Xét ham s6 f(y) = 44/1 + y> — 2y + 4 lién tuc trén [—2;2]. Ta co f'(y) =0y =+— € [-2;2].

V3
1 1 10
Ta ¢ f(2) = 4V5, f(—2) = 45 + 8, <—):4+2\/§, (——>:4+—.Su ra min =
F2) =45, §(-2) (5 F(=5) =4+ T suy o 100
1
4+2V3 = (—)
"\
(z+1y=y(l-2)=0
Khi d6 P > f(y) > 4+ 2V3, Yy € [-2;2]. Dau bing xay ra < 2-y=0 &
1
V=75
z=0
1 . Vay gia tri nh6 nhét ctia P bang 4 + 2v/3.
V3
Chondépén@ O
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Cau 324. Goi 7, z; 1a hai nghiém phiic clia phuong trinh 22 + 22 +5 = 0, trong d6 z; ¢6 phan do
duong. Tim s6 phic lién hop clia sd phiic 2, + 22.

A -3+ 2. B. 3— 2. C. 2+ D.2—i.
Loi giai.
z2nn=—14+2i
Xét phuong trinh 22 + 22 +5=0< (2 + 1)2 =4
29 =—1—21
Khi d6 w = 2, + 229 = —3 — 2i = s0 phiic lién hop 1a w = —3 + 2i.
Chon dap an @ 0
Cau 325. Cho s6 phiic z = 3 + 5i. Tim modun ctia s6 phiic w = iz + 7.
A |w| =2. B. jw|=2+V2. C. |w| = 3v2. D. |w| = 2v/2.
Loi giai.
Tacow=iz+Z=1i(3+5i)+3—5i=-2—2 = |w| =2V2.
Chon dap an @ O

Cau 326. Trong céc s6 phitc z théa man |z — 2 +i| = |z + 1 — 44|. Tim phan thyc ctia s6 phiic ¢
mo-dun nho nhat.
A —1. B. -2 C. 4. D. 3.
Loi giai.
Gid stz =x+yi véi z;y € R, khidé taco |z —2+ 1| =z + 1 — 44
o /@-22+@+1)?=@+1)+@y+4?or=—2—y

Taco|z| =2+ 2 =/ 2+y)* +12 =22 +4y+4=1/2(y+1)°+2> V2.

Déu bang x4y ra khiy = —1 = 2 = —1.

Chon dap an @ O
Cau 327. Tim phan 4o clia s6 phiic z biét z théa man |z — 2i| = |z + 2 + 4] va “ ' Ja s6 thuan
z
o 5 3 3
L= B. - C —. D. —.
12 2 17 2
Loi giai.

Giastz=a+bi=Z=a—biv6iabeR
Taco|z—2i|=|Z+2+4i|l o a?+(b—-27=(a+2°+(A—-b’sb—a=4sb=a+4

a
. L 1) _1.2 2 _12 5 _12
Pong thai -t = T b=Di_le+(b-Dif o —(b-1) +2a(b-1)

Z+i a+(1-b)i a2+ (b—1)° a2+ (b—1)%
Khi déséphﬁ’ci_?_z,laséthuénéokhi a? — (b—1)* = 0, thay b = a + 4 vao ta dugc
Z+1
3 )
a2—(a+3)2:0<:>a:—§:>b:§.
Chondépén O
Cau 328. SO phic z = a + bi, (a,b € R) 1a nghiém ctia phuong trinh (1 + 2i)z — 8 — ¢ = 0. Tinh
S=a+b.
A . S=-1. B. S=1. C. §=-5. D. S =5.
Loi giai.
841 8+ 1)(1 —2: 10 — 152 a=2
Vi(142i):—8—im0azeott (B+IL=2) '~ 2 3inen .
1+ 2i 1+4 5 b= 3.
Vay S=a+b=—1.
Chondépén@ O
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(1—+/3i)

Cau 329. Cho s6 phiic z thod man z = T Tim modun clla w = z — iZ.
—
A. 8V2. B. 8. C. 4v/2. D. 4.
Loi giai.
1-— )3
Ta ¢6 7 = (1& — 4 — 4.
—1

Suy ra z = —4+41; do d6 w = z — iz = —8 + 8.

Vay |w| = |z — iz] = /(—8)? + 8 = 8V/2.

Chon dap an @ O
Cau 330. Cho s6 phiic Z = 3 — 2i. Tim phan thiyc va phan o clia 2.
A. Phan thyc bang 3 va phan 4o bang 2. B. Phan thyc bang —3 va phan 4o bang —2.
C. Phan thyc bang 3 va phan 4o bang —2. D. Phan thyc bang 3 va phan 4o bang —2i.
Loi giai.

Tac6z=3—-2i=2=3+ 2.
Tt d6 suy ra phan thic clia z biang 3, phan 4o clia z bang 2.
Chon dap an @ OJ

Cau 331. Cho cac s6 phitc z théa man |z —i| = 5. Biét rang tap hop diém bié¢u dién s6 phiic
w =1z 4+ 1 — 1 la duong tron. Tinh ban kinh ctia duong tron doé.

A. r=20. B. r=5. C.r=22 D.r=4.
Loi giai.
Tacow=iz+1—i<w+i=1i(z—1). Suy ra |w+1i| =|i|]|]z —i| = 5.
Vay tap hop nhiing diém biéu dién cho s6 phiic w 14 dudng tron tam I(0; —1), ban kinh r = 5.
Chon dap an O

Cau 332. Xét s6 phiic z va s6 phiic lien hop ctia n6 c6 diém biéu dién 1a M, M’. S6 phiic z(4 + 3i)
va s6 phtic lién hop clia né c6 diem biéu dién lan lugt 1a N, N’. Biét rang M, M’, N, N’ 1a bén dinh
cua hing chit nhat. Tim gia tri nlhé nhat cla |z + 4i — 5].5 )
A. % B. E C. \/ﬁ D. \/—1_3
Loi giai.
Dat z = a+ bi. Khi d6, cac diem M, M’, N, N" 1an lugt c6 toa do M(a,b), M'(a, —b), N (4a — 3b, 3a +
4b), N'(4a — 3b, —3a —4b). Vi M, M’ N, N’ lan lugt 1a 4 dinh ctia mot hinh chit nhat nén c6 2 trudng
hop xay ra.
— Truong hgp 1: T giac M M'N’N la hinh ch@ nhat.
— Truong hop 2: Tt giac M M’'N N’ 1a hinh cht nhat.
Taco P=|z+4i—5|=|z— (b —4i)|. Dat K(5;—4). Khi d6 P = |MK].
Goi I 13 giao diém ctia hai dudng chéo ctia hinh chit nhat.
Vi M déi xiing véi M’ qua truc Oz, N déi xtng v6i N’ qua truc Oz nén I thuoc truc Oz hay diém
I ¢6 tung do bing 0.
Trusng hop 1: T giac M M'N’'N la hinh chit nhat.
Tung do ciia diém I bang 0 nén —3a —3b=0 < a+ b = 0.
Do d6 diém M thuoc dusng thang d;: x4+ y = 0.
Doan M K ngan nhat c6 do dai bang khoang cach tit diem K dén duong théng d; va bang
5-1—4-1] 1
VETE V2

Suu tam € bién soan Th.s Nguyén Chin Em 93 https: //emncischool.wixsite.com /geogebra




https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Truong hop 2: T giac M M’'NN' 1a hinh chit nhat.

Tuong tu trusng hop 1, ta duge diem M thuoc dusng thang ds: 3z + 5y = 0. Doan thang M K ngin
13-5+5-(—4)] 5

Ve R e
Vay gia tri nhoé nhat cta |z + 45 — 5| = —.

y 8 | | 7
Chon dap an O
Cau 333. Cho hai s6 phtic z; = 1 + 2i; 2, = 2 — 3i. Xac dinh phan thyc va phan 4o ctia s6 phiic
221 + 29.

nhat c6 do dai 1a

A. Phan thyc 13 4, phan 4o 14 —6. B. Phan thyc 13 4, phan 4o 1 —1.
C. Phan thuc 1a —1, phan 3o 1a 4. D. Phan thyc 1a 4, phan 4o 1a 5.
Loi giai.

taco: 221 + 20 =4 — 1.

Suy ra phan thuec 1a 4, phan 4o 1a —1.

Chon dap an O
Cau 334. Tim céc s6 thuc b, ¢ dé phuong trinh 224 bz +c = 0 nhan z = 1+ lam mot nghiem.

A b=2c= -2 B.b=2c=2 C.b=-2,c=2. D.b=-2,c=-2.
Loi giai.

Ta c6 phuong trinh 22 + bz + ¢ = 0 nhan 2z = 1 + 4 lam mot nghiém.

24+b=0 b= -2
= (14+i)?*+b(1+i)+c=0% &
b+c=0 c=2.

Chon dap an @ O
Cau 335. Cho hai s6 phiic 21, 2, thda man |2z — i| = |iz + 2|, biét |z, — 25| = v/2. Tinh gia tri cia
biéu thitc A = |z, — 22|
A. A=/ B. A=—. C. A=+/3. D A=—.
Loi giai.
Goi 21 = &1 + Y11, 20 = Ty + Yoi V6i 11, Y1, T2, Y2 € R. Theo gia thiét ta co
1221 + (2y1 — 1)i| = |2 — y1 + 21 B+yi=1
222+ (2y2 — 1)i| = 2 —yo +221] & {23 +y5=1
(71— 22)” + (11 — y2)* =2 122 + thy2 =0

Do d6, A? = |2 — 22|* = (21 — 222)* 4+ (11 — 22)* = (2 + y7) + 4(23 + y3) — 4(@122 + y1y2) = 5.
Khi d6 A = /5.

Chon dap an @ O
Cau 336. Cho s6 phiic z = 5 — 4i. Tinh mo-dun ctia s6 phiic z.
A 3. B. 1. C. 9. D. /41.
Lo giai.
Ta ¢6 Z = 5 + 4i, suy ra |Z| = /52 4+ 42 = \/41.
Chon dap an @ O

Cau 337. Cho s6 phic z = a + bi, (a,b € R) théa man z — (2 + 3i)z = —1 — 3. Tinh gia tri cta
biéu thitc S = ab + 1.
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A . S=1. B. S=-1. C. S=-2 D. S=0.
Lai giai.
Ta co
z—(243i)z=—-1-3i
< (a+bi)—(2+3i)(a—bi) =—1—3i
Sa+bi —2a+ 2bi —3ai —3b=—1—3i

a+3b=1
S(—a—3b)+Bb—3a)=-1-3i < ) &
a—b=1

TudosuyraS=ab+1=1.

Chon dap an @ O
Cau 338. Cho s6 phtic z théa man |z — 2 + 3i| + |z + 2 + 4| = 2v/5. Tinh gia tri 16n nhat cia
P=|z—4+44.

A. Prax = %. B. Ppax = 50. C. Puax = 34. D. Ppax = 3V/5.
Loi giai.

Gid st z = x + yi, M(z;y), A(2;-3), B(—2;—1), 1(4; —4). Khi d6 ta c6
|2 —243i|+ |z +2+i| =2V5

<:>\/<$_2)2+(y+3)2+\/(x+2)2+(y—|—1)2:2\/5 (1)
& AM + BM = 2V/5.

Mt khac, AM + BM > AB = 2+/5, két hop véi (1) suy ra dau bing x4y ra khi va chi khi M nim
trong doan AB. (2)
Kiém tra ta thay 1A = (—2;1) va 1B = (—6;3) cting phuong, suy ra A, B, I thang hang.

Tt d6 suy ra P = IM dat gia tri 16n nhat khi M trung A hodc B.

Taco IA=+5vaIB = 3\/5, suy ra Py, = 3v/5.

Chon dap an @ O
Cau 339. Hai s6 phtic 2, = 2 + 3i, 2o = 1 + 4. Gia tri clia bicu thitc |z; + 32| 1a

A. /55, B. 5. C. 6. D. v61.
Loi gii.

Taco 2y +320=2+3i+3(1+1i) =5+ 64.
Do d6 |21 + 32| = |5 + 6i] = v/52 + 62 = \/61.

Chon dap an @ O
Cau 340. Goi 2, la nghiém phtic c6 phan 4o duong ciia phuong trinh 22422 +10 = 0. Tinh iz,.
A izg=3—1. B. izg=-30+1. C.izg=-3—1. D.izg=3i—1.
Loi giai.
z=—-14+3
Taco 22 +22+10=0<
z=—1— 3.
Suy ra zg = —1 4 3i. Do d6 iz = i(—1+ 3i) = —=3 — 4.
Chon dép an (C) O

Cau 341. Cho sb phtic z thda man |z — 1| = |z — 2 + 3i|. Tap hgp cac diém bieu dién s6 phiic 2

la
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A. Duong tron tam I(1;2), ban kinh R = 1.
B. Duong thang c6 phuong trinh 2z — 6y + 12 = 0.
C. Duong thing c¢6 phuong trinh z — 3y — 6 = 0.
D. Dudng thang c6 phuong trinh  — 5y — 6 = 0.
Loi giai.
bat z =z +yi (z,y € R). Ta co
|z—1] = |z—2+3i| & |z—1+yi| = |[z—2+(y+3)i| & (z—1)*+y? = (2—2)?+(y+3)? & 2—3y—6 = 0.
Vay tap hop cac diém biéu dién s6 phiic 2z 1a duong thing c¢6 phuong trinh o — 3y — 6 = 0.
Chon dép an (C) O

£, s . 1 .
Cau 342. Biét rang hai so phtic 21, 2o théa man |z —3 — 4| = 1 va |20 — 3 — 4i| = 7 S0 phitic z ¢6

phan thuec 1a @ va phan 4o 14 b théa man 3a—2b = 12. Gia tri nho nhat cia P = |z — 21| +|2 — 229|+2

bang
V9945 /9945
A. P, = T B. P, =5—2V3. C. Py, = T D. P, =5+ 2V/3.
Loi giai.

Dat z3 =2z thi |23 — 6 —8i| =1va P = |z — 21| + |z — 23] + 2.

Goi M, A, B lan lugt 1a cac diém biéu dién cho z, z; va z5. Khi do:
Diém A nam trén duong tron (Cy) c6 tam I; (3;4), ban kinh Ry = 1;
Diém B nam trén dusng tron (Cs) c6 tam I3 (6;8), ban kinh Ry = 1
Va diém M nam trén dudng thang d : 3z — 2y — 12 = 0.

Bai toan trd thanh tim gia tri nhé nhat cia P = MA + MB + 2.

(C1)
(C3)
I
A
d
H M
A/
I
(C1)

Ta kiém tra thay (C;) va (C3) nim ciing phia va khong cit dusng thang d: 3z — 2y — 12 = 0.
Goi duong tron (C1) ¢6 tam I; va ban kinh R} = 1 ddi xiing véi (C) qua d.
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Diém A’ dbi xiing v6i A qua d thi A’ thuoc (C}).

, . 72 30 105 8
Taco P=MA+MB+2=MA+MB+2=(MA+R)+(MB+ R3) > I{|M+ I3M > I]1s.
, , 9945
T d6 Py khi cac diem Iy, I3, A', B va M thang hang va Py, = I113 = T
Chon dap én@ OJ

Cau 343. S6 phiic lién hgp ciia s6 phitc z = (1 — 2i) ¢6 diém biéu dién trong mat phang toa do 1a
diém nao dudi day?

A. E(2;-1). B. B(—1;2). C. A(1;2). D. F(-2;1).
Lai giai.
Tacoz=1i(1—-2i)=i—2i>=2+4+i=2z=2—14. Do dé z co diecm bicu dién trong mit phing toa
do l1a diem E(2; —1).
Chon dap an @ O

Cau 344. Ki hiéu 2, 2, 23, 24 1 bén nghiém ctia phuong trinh z* + 22 — 6 = 0. Tinh S =
21| + [22] + |28] + [2a].

A. S =23 B.S=2(v2-v3). C. S=2/2 D. S =2(v2+3).
L&i giai.
Tacozt+22—-6=0< 22:_3@ Z:ii\/g.
22 =2 z::lzx/i
Dodész|z1\+\z2|+|23y+yz4|:\—z\/ﬁ\+\w§)+\—\/§)+\\/§‘:2(\/§+\/§).
Chondépén@ OJ

Cau 345. Biét s6 phiic 2z c6 phan 4o khac 0 va théa méan |z — (2 +1)| = /10 va z - Z = 25. Diém
nao sau day biéu dién s6 phic z trén?
A. P(4;-3). B. N (3; —4). C. M (3;4). D. Q (4;3).
L3i giai.
Dit z =x + yi, v6i x,y € R vay # 0.

Ta cb

|z — (2+i)| = V10 V@ =22+ (y —1)2 = V10
~
z-2=25 (x4 yi)(x — yi) = 25
2?4+ —dr—2y—5=0
=
2 +y* =25
2 +y—10=0 (1)
~
2 +y* =25 (2).

Tu (1) ta c6 y = 10 — 2z, thay vao (2) ta dugc

) ) ) r=5=y=0
r*+ (10 - 2z)° =25 52 —402+ 75 =0 &
r=3=y=4

Nhu vay z = 3 + 4i, nén diém biéu dién s6 phiic z l1a diém M (3;4).
Chon dap an @ O
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Cau 346. Cho A, B 1a hai diém biéu dién hinh hoc s6 phiic theo thit tu z, z; khac 0 v théa man
dang thitc 22 + 22 = zyz;. Héi ba diém O, A, B tao thanh tam gidc gi (O la gdc toa d6)? Chon

phuong an diang va day da nhat.
A. Déu. B. Can tai O. C. Vuong tai O. D. Vuong can tai O.

Lai gidi.

Ta c6

2
Z| Z|
X+ =200 & (—0> ~241=0

21 21
(20 1—1iV3
N 21 n 2
0 1+4V3
21 n 2
1—4v3
20 = 5 21
A==
1+4v3
20 = 21
L 2
1—14v3
— Xét truong hgp zp = Z\/_zl.
1—iV3 1—iV3
OA:|ZO|: 9 21l = 9 |Zl|:|Zl|ZOB
— —— 1 —14v3 1414v3
AB = ‘OB — OA‘ = |Zl — Zo| = |21 — 2Z\/_21 = +2Z\/_Zl = |Zl| = OB.
Nhu vay: OA = OB = AB = AOAB la tam giac déu.
14+1v3
— Xét truong hgp zg = + Z\/_zl.
1443 1+iv3
OA:|ZQ|: 9 21| = 9 |21|:|21|ZOB
e S—— 1+1:v3 1—12v3
AB = ’OB - OA‘ == |Zl - Zo| = |21 — +22\/_Zl = 22\/_21 = |Zl| = 0B.

Nhu vay: OA = OB = AB = AOAB la tam giac deéu.
Toém lai, ba diem O, A, B tao thanh tam gidc déu (O 1a gbc toa do).

Chon dap én@ O
Cau 347. Goi M va m lan luot 1 gid tri 16n nhat va nhd nhat cia P = |°——'| véi 2 I s6 phitc
z N 2 ~ 3 ? A M
khac 0 va thdéa man |z| > 2. Tinh ti s0 —.
m
A M5 B M _3 c. M_3 p M_1
m m m 4 m 3
Loi giai.
V6i z 1a s6 phitc khac 0 va théa man |z| > 2, ta ¢6
__p_ 24l |z + | < || + |7 :1+i§1+1:§.
z k4 2| || 2 2
3 3
Réréngkhiz:QithiP:i Dod(’)M:i
__ p_ 24l |z + | > [|z| — |4]| :1_i21_1:_.
z E 2| 2| 2 2
1 1
R6 rang khi 2 = —2¢ thi P = 3 Do d6 m = 3
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3
v s
Nhu vay: —:%:3
m —_—
2
Chon dap an O
Cau 348.

Trong hinh vé bén, diém M biéu dién sé phitc z. S6 phiic Z 1

A 2—q. B. 1+ 2. C.1—2. D. 2 +.

Loi gidi.
T hinh vé suy ra M(2;1) nén z =2+1i. Vay 2 = 2 — i.
Chon déap an @ OJ

Cau 349. Phuong trinh bac hai nao sau day c6 nghiém la 1 + 2¢7
A 22 -2243=0. B. 224+2z+5=0. C. 22-22+5=0. D. 224+22+3=0.

L&i giai.

z=1+2
z=1—21.

22 —2245=0%<

Chon dap an (C) O

Cau 350. C6 bao nhiéu s6 phic z théa man (1 +4)z + (2 — i)z = 13 4 24?
A 4. B. 3. C. 2. D. 1.
Lo giai.

bat z =a+ bi(a,b € R), ta co:

1+i)z4(2—i)z=13+2i
& (14 (a+bi)+ (2—i)(a—bi)=13+2i

3a—2b=13 a=3
S 3a—-20—bi=13+2i & &
—b=2

Vay z = 3 — 2i nén ¢6 1 s6 phiic 2z thda man.

Chon dap an @ O

Cau 351. Trong cac s6 phiic z ¢6 phan 4o duong théa man |22 + 1| = 2|z, goi 21 va 2o 1an luot 1a

cac s6 phitc ¢c6 mo-dun nhé nhat va 16n nhat. Khi d6 mo-dun ctia sé phitc w = 21 + 25 1a

A Jw| = 2V2. B. |w| =2. C. |w| = V2. D. |w| =1+ /2.
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Lo gidi.
|22+ 1| =2z & |2+ 1 = 4]z
e 4l = (2+1) (22 +1)
& (22+1)(22+1):4Z-E
o (2224224 +1-42-2=0
& 2427+ (2-2)°=6(2-2)+1=0
& 2427+ =6z +1=0
& 7 =6 +1=—(2+2)7<0
= 3-2V/2< 2P <3+2V2
= V2-1<|z<V2+1.
[l =v2-1 \ :
Do do au “=" xay ra khi
|22‘:\/§+1
)
:(\/§ 1)2
— V21
ol = v2 :< \/5)@ (loai)
|2’2|:\/§+1<:> :>‘w|:|21+22|:2\/§
— :(\/§ 1)z
2+z=0
(1 \/5) (loai)
\ L
Chondépén@ O
Cau 352. Cho sb phiic z = 3 + 2i. Khi d6 s6 phiic w = z + (i + 1)Z ¢6 mo-dun 1a
A. |w| =+/3T. B. |w| =vT72. C. |w| =V73. D. |w| = v2T7.
Loi giai.

Tacor=3+2=7=3— 2 Khidow=3+2+ (i +1)(3 — 2i) = 8 + 3i.

Do d6 |w| = v/82 432 = /73.

Chon dap an @ O
Cau 353. Trong cac sb phiic z théoa méan |z + 1 — 5i| = |z + 3 — 4|, gid st s6 phiic ¢6 mo-dun nhod
nhat ¢6 dang z = a + bi. Khi d6 S = % biing bao nhieu?

2 1 1
A = B. -. C. -. D. 3.
3 3 4 2
Loi giai.
Gid st z =a+bi (a,b € R) = Z=a — bi.
Khi d6
|24+ 1 —5i =[z+3— i
Sla+1)?+(b-57=(a+3)*+(b+1)
Sa+3b—4=0&a=4-3b
Do do

2] = Va2 + b2 = /(4 — 3b)2 + b2 = V1002 — 24D + 16
12\* 16 _ 4
—y(vis- 2y 0> L
\/< V10 10 = /10
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Déng thic Xéylra khi b = g =a= g Suy ra min |z| = \;il_O

v g — L2

VayS—b 3

Chondépén O

. § N f@)-fB)-f6G)---fCn-1)

Cau 354. Dat f(n) = M® +n+1)2 + 1. Xét day (u,): u, = . Tinh
Fm) = ) Y (tn) 7@ F@)- F©)-- [20)

lim 1/t .

A. limn/u, = f B. limn,/u, = \/_ C. limn,/u, =v3.  D.limnyu, = v2.
Loi giai.
Tac6 f(n) = (> +1)*+2n(n*+1)+ (n*+1) = (n?*+ 1)[(n+ 1)+ 1]. Do d6

2@ )+ D@2 4+ 1)(B2 4 1)(62 + 1)+ [(2n — 1)2 + 1][(2n)? + 1]
T DB D@2+ D+ D6+ )T+ 1) [(20)2 + 1[(2n + 12 + 1]

2
C 2n+ 1241
2 2 1
Vay lim ny/u, = lim nv2 = lim V2 = —.
(2n+1)2 + 1 1N 1 V2
(2 + —) + =
n n
Chon dap én O
) 5 3 I
Cau 355. Cho so phtic z théa man z+§—i = z+§+2z' . Biét bieu thic Q = |z — 2 — 4i| +
|z — 4 — 6i| dat gia tri nhé nhat tai 2 = a + bi, (a,b € R). Tinh P = a — 4b.
11 1
A P=-2 B.P:—g—. C. P=-1. D.P:@.
460 272
Lo giai.
Dat z = z + yi, (z,y € R). Gia thiét ¢6 dugc y
B
5\ 3\°
\/(x+§> +(y—1)%= \/<x+§> + (y +2)?
&2 + 1 = 6y.
L —
Biéu thic Q@ = \/(z —2)>+ (y —4)2 + /(z — 4)2 + (y — 6)%. M
O ‘\ x
A

Goi M(z;y) la diém bicu dién cia z, lic d6 M thudc dudng thing d : 2z — 6y + 1 = 0.
Goi A(2;4), B(4;6). Ta can tim gid tri nhd nhat cia M A + M B. Kiém tra dugc A, B nam ciing

39 17
phia véi d nén goi A’ 1a diém déi xiing v6i A qua d. Ta tim duge A’ <1O 1—0>

Do dai MA + MB nhd nhat khi va chi khi M = d N A’B. Duong thang A’B c6 phuong trinh 13

151 <1813 681) 1813 681

— — =0.Tv M h =——vab=—.

Tlr +vy+ 5 = 0. Tu dé tim duge 160 260 v a 160 va 160
911

Két luan, a — 4b = ——
460"

Chon dap an OJ
Cau 356. Gia stt M la mot diém trén mat phang phiic biéu dién sé phiic z. Quy tich cac diém M
théa man dieu kien |z — 1 +4| =2 1a

A. duong tron tam I(1;1) va ban kinh R = 2.

B. duong tron tam I(—1;1) va ban kinh R = 2.
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C. dudng tron tam I(—1; —1) va ban kinh R = 2.
D. duong tron tam I(1; —1) va ban kinh R = 2.
Loi gidi.
Goi z = a+ i, (a,b € R). Tt gi& thiét ta c6 (a — 1) + (b+1)? = 4.
Vay quy tich cac diém M la dudng tron tam I(1;—1) va ban kinh R = 2.

Chon dap an @ O
Cau 357. Cho s6 phiic 2z thoa méan z(1 — 2i) + iz = 15 + . Tim mo-dun ctia s6 phiic 2.

A |z] =5. B. |z] = 4. C. |z| = 2V/5. D. |z| = 2V/3.
Loi giai.

Gia st z = x + yi, x,y € R. Khi do6 ta ¢6
z(l—2i)—|—z§:15—|—i(:)(x+3y)+(y—w)i:15—l—i(:>{

Vay |z| = 5.
Chon dap an @ O

Cau 358. Goi z; 1a nghiém phiic c6 phan 4o am ctia phuong trinh 22 — 2245 = 0. Tim toa do diém

2 ~ Z 7 - 4 2

biéu dien so phtc ! trong mat phang phic.
21

A. P(3;2). B. N(1;-2). C. Q(3;-2). D. M(1;2).
Loi giai.
Ta c6

22 —2245=0&2=1+2i
. , 7T —4i R ST U
Do d6 z; =1 — 2i. Suy ra = 3+ 2i. Vay diem can tim la P(3;2).
21

Chon dap an @ O
Cau 359.
Diém A trong hinh vé biéu dién cho s6 phiic z. Ménh dé nao sau day Yy
la ding? A

A. Phan thuyc 1a 3, phan &o 1a 2. 22 '

B. Phan thyc 1 3, phan 4o 1a 2i. 1

C. Phan thuyc la —3, phan 4o 13 2i. 1

D. Phan thyc la —3, phan ao la 2. 0 3 7
Loi giai.
Diém A biéu dién s6 phiic z = 3 + 24, c6 phan thuc 1a 3, phan 3o 1a 2.
Chon dap an (A) O

Cau 360. Cho sb phiic z théa man |(1+4)z 4+ 2| + |(14+4)z — 2| = 4v/2. Goi m = max|z|, n =
min |z| va s6 phiic w = m + ni. Tinh |w]?'8.
A 41009 B, 51009 C. (009 D. 21009
Loi giai.
— Chia c4 hai vé dang thiic trong gia thiét cho |1 + i|, ta dugc

d=z—1+1i+|z+1—1]
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Z|Z—1+i+z+1—i|
:2’2‘7

hay |z| < 2, ddng thitc x4y ra khi z = v/2(1 — 7). Do d6 m = 2.
— Gia stt z = x + yi, v6i x,y € R. Suy ra
16 =[lz+1—i|+|z— 1+
2
= Ve -1+ @+ 102+ @+ 17+ (y - 17
<2[(x -1+ (y+1)°+ (x+1)°+ (y— 1)7]
=2 (22 4+ 2y° +4),

suy ra 22 4+ 32 > 2, hay |z| > v/2, dau bing xay ra khi z = 1 44. Do dé n = /2.

Vay w = 2+/2i, suy ra |w| = 699
Chon dap an @

Cau 361. Mo-dun ctia sé phiic z = V7 — 3i 1

A. |z| =5. B. |z| = 10. C. |z| = 16. D. |z| =4.

Loi giai.
Ta oo 2 = V7= 3i = |2 = \/(VT)* + (-3)> = 4.
Chon dap an @

Cau 362. Goi 2, z; 1a hai nghiém phiic cia phuong trinh 22 + 2z +5 = 0, trong d6 z; ¢6 phan do

duong. S6 phiic lien hop ctia sd phiic z; + 22 13
A. -3+ 2i. B. 3 —2i. C. 2+ D.2—u.
Lai gii.

- z=—1—2i 21 = —14+2i
TacHdz+2z2+5=0« =

p= 142 2y =—1—2i

Chon dap an @

Cau 363. Cho s6 phtic z thod man ‘z — ]2\‘ = /2. Biét réing phan thyc clia z bing a. Tinh |z| theo

a.
1 V@ F1 V&1
A= ——. B. o= " VYT T o =YY D=
a—1 2 2
Lai giai.
Ta thay

2|2l = v2

& ’z—|z|’2:2

& (z—]) (2= Tel) =2

& (=-[)-(F-]z) =2

& |zfP—a-|z]-1=0
a++va?+4

= |zl=———.

2

Chon dap an @

2

O

O

a?+4

O
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Cau 364. Cho hai s6 phtic 21, 23 thod man |z;| = 12 va |2 — 3 — 44| = 5. Gi4 tri nhé nhat cta

|Zl — 22| la
A. 0. B. 2. C. 7. D. 17.
Loi gii.
Goi M, N lan lugt 1a diém biéu dién sb phtc 21, 2s. y
= M € (%)) c6 tam O va ban kinh R, = 12. N 4
Ta thiy |22 — 3 — 4i| = 5.
= N € (%,) c6 tam 1(3;4) va ban kinh Ry = 5.
Ta thay Of = (3;4) = Ol =5 = O € (%). I
Tacé|z1—z2|:MNZOM—ON [0) T
Vi OM = 12 nén
min(MN) =12 —max(ON) =12 — 10 = 2.
M =B ,
Khi do, A v6i A, B 1a giao diem cta tia OI v6i (%), (€2).
N =
Chon dap an O
Cau 365.
Diém M trong hinh la diém biéu dién s6 phiic nao? y
Az = (1+2i)(1—i). B.2:—6=(1—i)>
L
C.z—ltz. D. z = (1 +14)(2 — 3i). .
O T
1R S
M
Loi gidi.
Diém M la diém biéu dién s6 phtic z = 3 — i, do do6:
@D z=(142i)(1 —i) =3+ loai.
@ 22—6=(1—1i)*>=—2i = 2z =3 — i théa man.
141 1+14)?
@ z= —H. = (1+9) =1 loai.
1—1 2
@ z=(141)(2—3i) =5—1 loai.
Chon dap an O
Cau 366. Cho s6 phiic z thda man |z| = 1. Tim gi4 tri 16n nhat ctia biéu thitc T = |z+2|+2]z—2|
A. maxT = 5V/2. B. maxT = 2V/10. C. maxT = 3V/5. D. max7T = 2V/5.

Loi gii.

Gid stt 2 = a + bi (a,b € R). Khi d6, do |z| = 1 nén a? + b* = 1.
Ta c6: T = +/(a+2)%+ 0>+ 2y/(a — 2)> + b2

Theo bat déng thitc Bunhiacopski ta co:

[\/a+2 + b2 + 24/ (a — 2)? +b2} < (1P42%) [(a+2)° + 0* + (a — 2)> + b*] =5 [2(a® + b°) + 8] = 50.

Vay maxT = V50 = 5v/2.
Chon dap an @ O
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Cau 367. Tong phan thuc va phan 4o clia s6 phiic z = (14 1)% — (3 4 3i) 1a

A. V10. B. —4. C. 4. D. -3 —i.
Loi giai.
Ta c6 z = 2i — 3 — 3i = —3 — i nén tong phan thyc va phan 4o bing —4.

Chon dap an O

Cau 368. Cho sb phtic z = 3 —5i. Goi w = z+yi, (z,y € R) la mot can bac hai clia 2. Gia tri clia
biéu thic T = 2* + y* 1a
43 17

A.T:?. B. T =34. C. T =706. D.T:7.

Loi giai.
2 9
-y =3
Tacow? =z 2?2 —y?>+22yi =3 — 5i &
2zy = —5.
5 ’ 4,4 2, 2\2 2,2 _ 92 5\* _ 43
Mataco T=a*4+y*= (2> —y*)* +2-2%y* =3+ 2- —3
Chondépén@ 0

Cau 369. Cho s6 phiic z théa man (z — 2 +i)(Z — 2 — 1) = 25. Biét tap hop cac diém M bicu dién
s6 phitc w = 2z — 2+ 3i 1a duong tron c¢6 tam I(a;b) va ban kinh c. Gia tri ctia a + b+ ¢ bang
A. 18. B. 10. C. 20. D. 17.
Loi giai.
Taco (z—2+i)(z—2—i)=z—-2—i-(Z—-2—49)=z—-2—-i>)=25=|z—-2—i| =5.
Tacow—2—5 =2F—2—i)= |w—2—5i] =272 —i| = 10.
Tap hop diém biéu dién w 1a dudng tron tam 1(2;5) va ban kinh R = 10.
Vay a+b+c=1T7.
Chon déap an @ OJ

Cau 370. Goi 21, 25 1a hai trong cac s6 phiic z théa man |z — 1+ 2i] = 5 va |21 — 23| = 8. Tim
mo-dun ciia s6 phitc w = 21 + 29 — 2 + 44.
A. |w| =13. B. |w| = 10. C. |w| = 16. D. |w| = 6.
Loi giai.
Goi I(1; —2) la diém biéu dién s6 phiic 1 — 2i va A, B lan lugt 1 cac diém biéu dién s phitc 21, 2.
Vi|z — 1+ 2i| =5nén A, B thuoc (I;5) va |23 — 22| = 8 nén AB = 8.
Ta c6 |w| = |_TZ+ I—J§| =21 H v6i H la trung diém AB.
Ma [H =+1A%2 — AH? = /52 — 42 = 3.
Vay |w| = 6.
Chon dap an @ 0

Z+i = 2 — 4. Tim s6 phitc w = 1 + z + 22

A w=>5+2i. B. w=5-2i. C.w:g+2i. D.wzg—%.

Cau 371. Cho sb phtic z thdéa méan

z —

Lai giai.
Diéu kién z # 1.

Tacs 0l =9 zti=(2—i)(z—1). (1)

z —
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Goi z = a+ bi v6i a,b € R. Khi do

(1) e a—bi+i=(2—14)(a+bi—1)
Sa—bi+i=2a+2bi—2—ai—bi>+i
&2—a—b+(a—3b)i=0

3
2—a—-b=0 @=5 3 1.
g = 1:>z:——|——z.
a—3b=0 h— = 2
2

3 1 3 1)\° 9
Suyraw:1+z+22:1+(—+—i)+(—+—i) = — + 2i.

2 2 2 2 2
Chon dap an @ O
Cau 372. Trong tap hop s6 phiic, phuong trinh o 1 — i c6 nghiem 1a
A z2=2—1. B. 2 =5 - 3i. C. z=1+2i D. 2z =3+ 2.
Loi giai.
Diéu kién z # —1.
Phuong trinh =l—-1&241= - & 2= 4,—1:1—1—22'.
z+1 1—1 1—1
Chon dap an @ O
Cau 373. Cho s6 phiic Z = 3 — 5i. Khi d6 phan 4o ctia s6 phiic z 1a
A. 5. B. 5. C. -3. D. 3.
Loi giai.
Ta c¢6 2z = 3+ 5i = phan 4o clia s6 phtic 2 1a 5.
Chon dép an (B) O
Cau 374. Cho s6 phiic z théa man (3 — Ti)|z| = M + 7 + 3i. Tim gia tri nho nhat cla
[(14d)z+2—il.
A 5V2 — /5. B. 6v2 — /5. C. 3v2— 5. D. V5.
Loi giai.
Diéu kién z # 0.
Ta co
(3 —"Ti)|z| = @—1—7—1-32'
o |2 = 19—1-‘172'_+ 7+3’L: o |2 = 19t17i _;
(3—=Ti)-z 3-Ti
ol +i= 2D e+ i) = 19+ 17

= |(]z| +4)z] = [19 + 17i| (LAy mo6-dun hai vé)

& ||2] +i] - [7] = 5V26 < \/|2]? + 1|2| = 5v/26. 2)
Dat ¢ = |2| > 0, khi d6
t* =25
t* = —26 (loai).

( 1+3.>
z 5 T3t
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13
Goi M(xz;y), A (—5 5) lan luot 1a diém biéu dién s6 phiic z
3.

Vaw:—§+§z.

Khi d6 P = v/2M A va M thudc duong tron (C) ¢6 tam O(0; 0),
ban kinh R = 5.
) N
Ta c6 OA = % < R =5= A nam trong dusng tron (C). E o) A E
Goi E, F la giao diém ctia O A véi dusng tron (C) véi AF < AE.

Ta co AF < MA < AFE.
Vay P nhé nhat khi va chi khi M A nhé nhat

Vb 5v2—+/5
S MA=MO-0OA=5— —=——
V2 V2
= P =5V2—/5.
Chondépén@ O

Cau 375. Cho do6 thi ham s6 y = f(x) c¢6 dd thi nhu hinh vé, dién tich hinh phing phan t6 dam
dugce tinh theo cong thiic

2 x
~1

D. S - /f dx—/ (@) du.

Loi giai.
0 1
Ta ¢6 S—/!f(x)]d:c—l—/!f(x)]dx.
9 0
T do thi ham s6 suy ra f(x) > 0,Vz € [—2;0] va f(z) < 0,Vz € [0;1].
0 1
Suy ra S = /f(a:) dz — /f(a:) dz
2 0

Chon dap én (D) O
Cau 376. Cho hai s6 phitc z; = 1 + 7 va 2, = 2 — 3i. Modun ctia s6 phiic z; + 2, bang

A. V5. B. 1. C. 5. D. V13.
Loi giai.
Taco zy+20=(1+1)+(2—3i) =3 — 2 = |21 + 2| = /3> + (-2)2 = V13.
Chon dap én (D) O
Cau 377. Cho s6 phtic z = 3 — 2i. Tim phan thic va phan 4o ctia sd phiic Z.

A. Phan thyc bang 3 va phan 4o biang 2. B. Phan thuyc bang —3 va phan 4o bang —2i.

C. Phan thyc bing 3 va phan 4o bang 2i. D. Phan thyc bang —3 va phan 4o bang —2.

L&i giai.

Suu tam € bién soan Th.s Nguyén Chin Em 107 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Ta c6 z =3 — 2i = Z = 3+ 2i nén s6 phiic Z ¢6 phan thyc bang 3 va phan 4o bang 2.

Chon déap an @ OJ
Cau 378. Goi A va B la hai diém trong mit phing biéu dién hai nghiém phitc phan biét ciia phuong
trinh 22 4+ 62 4+ 12 = 0. Tinh do dai ctia doan théing AB.

A. AB = 2/3. B. AB = /3. C. AB = 3. D. AB = 12.
Loi giai.
21 =—3 — \/gz
Taco 22 +62+12=0& | - Do d6, A(—3;—v/3) va B (—3;V3).
29 = —3+ V3i

Ta tinh dude AB = 2/3.

Chon dap an @ OJ
Cau 379. Trong cac s6 phiic théa méan diéu kién |z — 2 — 4i| = |z — 2i|]. S6 phiic 2z ¢c6 méodun nhod
nhat 1a

A z=-2421 B. z=2+2. C. z=2-2. D.z=-2-2i.
Loi giai.

Goi z =z + yi (z,y € R). Khi d6

22— 4di| = |z =2 & |r—2+(y—A4)i| =|z+ (y—2)i
& (-2 +y-4)7=2"+(y-2)
&S r+y—4=05rx=4—y.

Taco |z| = /a2 +12=/(y—4)2 +y2 = /22 — 8y + 16 = \/2(y — 2)2 + 8 > 2V/2.
|z| nhé nhat khi va chi khiy =2 =2 =2. Do d6 z = 2 + 2i.

Chon dap an OJ
Cau 380. Cho phuong trinh 2?2 — 62 + 10 = 0. Mot nghiém phiic ctia phuong trinh da cho 1
A z2=2+ 3. B. z2=5—4. C. z=1+u. D.z=3-—1.
Loi giai.
z=3+1
22—62+10=0<
z=3—1.
Chon dap an @ O
Cau 381. Diém M trong hinh vé bén duéi la diém biéu dién ciia sé phic
A z=-3+2. B. z =3+ 2. Y
C.z=-3-2i. D. z=3-2i.
3 T
! 0
e i
M
Lai giai.
Diém M trong hinh vé 14 diém bicéu dién ctia s6 phitc z = —3 — 2i.
Chon dap an @ O
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(lz2] = V(1 +iz)

Cau 382. Cho s6 phiic 2 = a + bi (a,b € R) théa man phuong trinh 1 = 4. Tinh
2=
P=a-+b.
A P=1-+2 B. P=1. C. P=1++2. D. P=0.
Loi giai.
—1)(1+2 —1)(1+12)z
(el=D0+i) (=Dt )y
zz— 1
=z
z
(|2 = D)(1 +i2)z e (1+i2)z
|22 —1 |z] +1
& z4idz? =i(]z| +1) & a—bi+ (a* + b))i =i(Va2 + b2+ 1)
a=0
& at(=b+a+b)i=i(Va2 +b2+1) <
b —b=[b +1
(0 =0
[ (b<0 a=0
& b=+1 (loai) & b=1++2 (nhan)
b>0 b=1-+v2 (loai).
(L »*—26—-1=0
VayP:a+b:1+\/§.
Chondépén@ 0

Cau 383. Cho s6 phitc z théa man diéu kien |z — 1 — 4| 4+ |z + 1 + 3i| = 6+/5. Gia tri 16n nhat ciia
2 —2 -3 Ia
A 5V5. B. 2V/5. C. 6v/5. D. 4V/5.
Loi giai.
Taco |z —1—i|+ |z +1+3i] = 6V5 & MA+ MB = 65 vé6i
M (z;y) biéu dién s phitc z = x +yi, A(1;1) biéu dién s6 phtic 1+,
B(—1;—3) biéu dién s phitc —1 — 3i.

M
? m M/
Khi d6 diém M nim trén elip tam I c6 do dai truc 16n 6v/5 va A, B C A I B
14 hai tieu diém.

— |z — 2= 3i| = MC vé6i C(2;3) biéu dién s6 phitc 2 + 3i.

— AB = (-2, —4) = AB = 2\/5.

— ;1_5:(1;2):>AC:\/5.

— Vi AB = —2AC neén ZE, AC nguge huéng va AB = 2AC.
Goi M’ 1a diém nam trén elip sao cho A, B, M’ thang hang va M’ khac phia A so v6i B.
6\/52— AB _, &

Ta c6 BM' =
Ta thay MC < M'C v6i moi diem M nam trén elip.

Do d6 MC' 16n nhat khi va chi khi M = M’.

Khi d6 MC = M'C = CA+ AB + BM' = /5 +2v5 + 25 = 5V/5.

Chon dap an (A) O

£ 1 2 1
Cau 384. Biét z 1a mot nghiém ctia phuong trinh 2+~ = 1. Tinh gi4 tri biéu thic P = 23+ —-
z z
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A P=-2 B. P=0. C. P=4 D.Pzg.
Loi giai.
g1 1\? 1 1
Tacoz?+ 5 =\2+-) —3z--(z+-|=1-3=-2
z z z z
Chon déap an @ O
Cau 385. Tap hop diém bicu dién sb phiic z thoéa méan © -| = 3 la dudng nao?
z—1
A. Mot dusng thing. B. Mot duong parabol.
C. Mot duong tron. D. Mot duong elip.
Lai giai.
Cach 1: Gid sit z = a + bi trong d6 (a,b € R, z # 1).
Tt gia thiét ta co:
9 9
2| = 3|z —i| & a® + 0> = 9a®> + 9(b — 1)* & 8a®> + 80> — 18b+ 9 = 0 < a® + (b—§> =
Do d6 tap hop bicu dién diém z 13 mot dudng tron.
Cach 2: Goi A, B lan lugt 1a diém biéu dién ciia z, ¢ trong mit phang phiic.
Khi d6 AO = |z| va AB = |z —i|.
Tu dé bai ta c6 — = 3.
é bai ta ¢6 AB. 7 /
Nhu vay, tap hgp diem A la duong tron Apollonius ctia doan thang OB véi ti so 3.
Chon dap an @ O
4 4
Cau 386. Cho hai s6 phiic 21, 25 thda man |21 — 25| = |21| = |22| > 0. Tinh A = (i> + <@) :
<2 21
A 1 B. 1—i. C. —1. D.1+:.
Lai giai.
Cach 1: Do |z1]| = |22] > 0 nén 2z, z; # 0.
Tit dang thitc |2, — 22| = |21] = |22], ta c6 S 1’ =2 =1
<2 <2

z )
Dt w = —-. Bai toan trd thanh: Cho s phitc w théa man |w — 1| = [w| = 1. Tinh A = w* + —
Z9 w

Trong mat phing phiic, ta goi A, B lan lugt 1a cac diém biéu dién ctia s6 phiic w, 1.
Khi d6 |w| = OA,1 = OB, |w — 1| = AB. Suy ra AOAB la tam giac déu.
.0 1 3 1 3
Do do6, w chi ¢6 the 1a — + i— hodc = — @£
2 2 2 2

Khi d6, ta luon c6 ww =1, w+w@ = 1 va (w — w)*

— 3.

Ta co

1)? o2 —\2 —\2
A= (wQ—E) +2=(w-w) +2=(w-w) (w+w) +2=1*(-3)+2=—1.
Cach 2: Goi A, B lan lugt 13 diém bicu dién cac sé phiic 21, 2, trong mat phang phic.

Khi d6 |21] = OA, |2a| = OB va |21 — 2| = AB. Suy ra AOAB la tam giac déu.

Khong mat tong quét ta co thé gia st z; = r(cosg +ising) va z = r(cost + isin) trong do6

r>0vap—19= g
Ta co
S Cos(go—w)—i-isin(go—w):Cosz—i-isinz.
22 3 3
2~ cos (Y — @) +isin (¢ — p) = cos <—z> + isin (—E>.
Z1 3 3
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~ 21 4 29 4 47 . Ar 47 o 4
VayA=(—) +|{—) =|cos—+isin— |+ |cos|{—— ) +isin|—— ] ) =—1.
Z9 21 3 3 3 3

Chon dap an (C) O

. 1 .
Cau 387. Cho so phiic z =1 — §Z Tinh s0 phiic w =iz + 3z.

8 8 10 10
Loi giai.
1 1 1 8
Tacow=i(145i)+3(1-5i) = (3-3) +i-n="1
acow =1 +32 + % 3 +i( ) 3
Chon dap an @ O
Cau 388. Goi z1, 2 1a hai nghiém phitc clia phuong trinh 222 + V32 +3 = 0. Khi d6 ! + 2
) 21
bang
3 V3 3 V3 3
A, —i. B, —+ —i. L —— D —-.
2 2 T3 C =3 2
Loi giai.
3
21 + Z9 = —£
Theo dinh 11 vi-ét ta co 5 2
2129 — 5
Ta c6
2
LV, 3
Z1 29 Z% + Z% (21 + 22>2 — 22122 2 3
Z2 21 Z1%2 Z1%22 i 2
2
Chon dap an @ O
Cau 389. Mo dun ctia s6 phiic z = (1 +24) (2 — i) 1
A. |z| =5. B. |z| = /5. C. |z| = 10. D. |z| =6.
Loi giai.
Tacoz=(14+2i)(2—i)=4+3i=|z| =vV42+32=5.
Chon dap an @ OJ
Cau 390. Phan thyc ciia s6 phiic z = 1 — 27 1a
A. -2 B. —1. C. 1. D. 3.
Loi giai.
S6 phiic z = 1 — 2¢ ¢6 phan thyc 1a 1.
Chon dap an @ O

Cau 391. Cho s6 phitic z thda méan |z +z| < 2 va |z — Z| < 2. Goi M, m 1an lugt 1a gia tri 16n nhat
va gid tri nhé nhat ctia T' = |z — 2i|. Tong M + m bing
A. 1+ V10. B. V2 + V10. C. 4. D. 1.
Loi gii.
bat z =z +yi véiz, y € R.
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_ /{|z+2|§2 {|$|§1 {:1:6[—1;1]
Khi do & = . Yy
[z =2 <2 lyl <1 y € [-1:1]
Do d6 tap hgp cac diém biéu dién sé phtic z 1a diém E(x;y) H
nam trong hinh vuong ABC'D vé6i A(1;1), B(—1;1), C(-1;-1) B A
va D(1; —1) nhu hinh vé.
Khi d6 T = |2 — 2i| = EH véi H(0;2). /ﬁE \
Dé thay EH dat gia tri nhé nhéat khi va chi khi £(0;1) khi do © ’
m =min FH = 1. o D
L . . | E(—1;-1)
Tuong tuv FH dat gia tri 16n nhat khi va chi khi B 1) .
Khi d6 M = max EH = /12 + 32 = 1/10.
Vay M 4+ m = 1 + v/10.
Chon dap an @ OJ

Cau 392. Cho s6 phiic z théa man |z + 1| + |z — 3 — 4i| = 10. Gia tri nho nhat Py, cia biéu thitc
P =z — 1+ 2i| bang

34
A. P, =V17. B. P, = V34 C. P, = 2V/10. D. Py, = g

Lo giai.

Dat z = 2 + yi, diém biéu dién clia z 1a M(z;y).

Khi d6 |z + 1|+ |2 — 3 — 4i| = 10 & MA + MB = 10 véi A(—1;0) va B(3;4).

Suy ra M thudc elip c6 do dai truc 16n 14 10 = 2a = 10 = a = 5 va hai tiéu diém 1a A, B.
Ma AB = (4;4) = AB = 4y/2 = 2c = 42 = ¢ = 2V/2.

Ta co

P = |z—1+2i
= @12+ (-2 =MH

V6i H(1;2). Dé thay A, B, H thang hang nén H thuoc doan AB.

Do d6 Puin & M H ngan nhat khi va chi khi M thudc truc nhé ctia elip.

Khi d6 do dai M H bing mot nia truc nhé hay MH = b = Va2 — & = V17.

Chon dap an @ O

Cau 393. Goi 2, 29, 23, 24 12 bdn nghiém phan biét ctia phuong trinh 2* + 322 +4 = 0 trén tap sd
phitc. Tinh gia tri clia bicu thic T = |21]? + | 20| + |23]% + | 24|
A.T=28. B. T =6. C.T=4. D.T=2.

Loi giai.
2 43224+4=0.
Dat X = 22. Khi d6 phuong trinh tré thanh X2 +3X +4 =0

, , {S =Xi +Xo =3
Theo dinh ly Vi-ét ta c6

P=X-Xo=14

Ta ¢6: X7 = Xs.
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P:Xl'XQZXl'Yl:’X1’2:|22|2:4:>|22‘:2.
Dod6 T =4[22 =4-2=8.

Chon dap én (A) O

Cau 394. Cho s6 phiic z = (1 +i)?(1 + 2¢). S6 phiic z ¢6 phan 4o 1a
A. 2. B. 4. C. -2 D. 2:.
Loi giai.
Ta c6 z = (1+1)%(1 +2i) = 2i(1 + 24) = —4 + 2i.
Do d6 phan 4o ctia s6 phiic z 1a 2.

Chon dap an @ O

Cau 395. Cho céc s6 phiic z,w théa man |z — 5 + 3i| = 3, |[iw + 4 + 2i| = 2. Tim gia tri 16n nhat
ctia biéu thite T = |3iz + 2w|.

A. V354 +5. B. v578 + 13. C. V578 + 5. D. V554 +13.

L&i giai.

Taco|z—5+3i|=3< =3 < |3iz —9 — 15i| = 9.

31
liw+4+2i| =2 < ‘;(—Qw—ll—i-&')

3iz—15i—9‘

—2& | —2w—4+8i] =4

Goi A va B la diém biéu dién ctia 3iz va —2w, khi d6 A va B lan lugt thuoc cac dudng tron tam
O(9;15) ban kinh bing 9 va dudng tron I(4; —8) ban kinh bang 4. Ta tinh duge OI = 1/554.
Khi d6 T = |3iz 4+ 2w| = |3iz — (—2w)| = AB.

Do IO = /554 > 4+9 nén hai dusng tron ngoai nhau, suy ra AB.x = AO+OI+1IB = v/554+13.

Chon dap an @ O

Cau 396. Cho s6 phiic z théa man |z — 1| = 5. Biét tap hop cac diém bicu dién s6 phiic w xac dinh
bdi w = (2 + 3i) - Z+ 3 + 44 1a mot dudng tron ban kinh R. Tinh R.

A. R =5V17. B. R = 5V10. C. R=55. D. R = 5V13.
Loi giai.

Theo gia thiét |z — 1| =5= [z — 1| =5.
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Lai ¢6

w=(2+43i) - F+3+4i

o = w—3—4
Z=
2430
o 3.1 w—5—"T1
zZ—1=—
2+ 3
w—>5—"T1
= z—-1l=|—| =
[z -1 '2+3i
|lw —5 — T7i
Rt _— —

V13
& |w—5—Ti| =5V13.

Do d6 tap hgp cac diém biéu dién s6 phiic w 1a dudng tron 1(5;7), R = 5v/13.

Chon dap an @ O
Cau 397.
Diém A trong hinh vé bén la biéu dién ctia s6 phic z. Tim phan thuyc va y
phan 4o ctia s6 phiic z.

A. Phan thyc la 3 v phan 4o 1 —2.

B. Phan thuc 1a —3 va phan ao 13 2. 2 ! 4

C. Phin thuc 1 3 va phan do 1a —2i. 3

D. Phan thue la —3 va phan 4o la 2. l

O 3

Loi giai.
Ta c6 z =3+ 2i. Do d6 z =3 — 2i.
Suy ra, Z c¢6 phan thic 1a 3 va phan 4o 1a —2.
Chon dap an @ O
Cau 398. Mot mo-dun ctia s6 phiic z = (1 — 24)? 1a

A. 3. B. V5. C. 4. D. 5.
Loi giai.
Ta c6 z = (1 —2i)? = —3 — 4i. Do d6, |z| = /32 +42 = 5.
Chon dap an @ OJ
Cau 399. Cho {z,y € R,7*> = —1} théa man (1—2i)z+(1+2y)i = 1+i. Khi d6 P = z+y bang

A P=-1. B. P=2. C. P=0. D P=-2
Loi giai.

Taco (1-20)z+(1+y)i=1+i< ($—1)+(2y—2x)i:0©{
Suyra, P=x+y=1+1=2.
Chon dap én m
Cau 400. Xét s6 phiic 2 théoa man iz — 20 — 2| — |z + 1 — 3i| = v/34. Tim gi4 tri nhé nhét ctia bicu
thite P = |(1+ i)z + 2il.
A. Pmin —— B. Pmin = 3\/§ C. Pmin = 4\/§ D. Pmin =V 26.
V17

L&i giai.
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Gia st s6 phtic z c6 dang z = a + bi, 2 ¢6 biéu dién hinh hoc I diém M (a;b). Khi d6

iz =2 —2) — |z +1-3i| =34 /(b +2)2+ (a—2)2 —\/(a+ 12+ (b-3)2=V34 (1)
Goi diém A(2; —2), B(—1;3) khi dé ta c6 AB = v/34. Két hop véi (1) ta suy ra MA — MB = AB.
= Diém M trung v6i diém B hodc B la trung diém ctia M A. Ta xét hai trudng hop sau:

— THI1: M trung B = M(—1;3). Suy ra

P=1/(a—b2+(a+b+2)?=132=4V2.
— TH2: B la trung diém ctia M A = M(—4;8). Suy ra

P=1/(a—b)2+(a+b+2)? =180 = 6V5.

Suy ra, min P = 4:/2.
Chon dap an @ O

Cau 401. Cho s6 phiic z théa man (1 — i) z + 2iz = 5+ 3i. Tinh tong phan thiyc v phan 4o ctia s6
phiic w = z + 2Z.
A. 3. B. 4. C. 6. D. 5.
Lo giai.
Cach 1: Dat z=x+yi= 2z =2 — yi.
Thay vao biéu thic trén ta dude (z + 3y) + (x +y)i = 5+ 3i, suy ra 2 = 2 + .
Vay w =6 — 1.
T d6 suy ra Re(w) 4+ Im(w) =6+ (—1) = 5.
Cach 2: St dung may tinh bé tui Casio
bat :=X+Yi=z=X-Yi.
Nhap vao may tinh: | (1 —4)(X + Y7i) + 2i(X — Yi) — (5 + 31) |.
Gan X = 1000, Y = 100. Ta dugc két qua la 1259 + 1097:.
Phan tich 86 ligu: 1295 = X +3Y —5va 1097 = X +Y — 3.
N X+3Y —5=0 X+3Y =5 X =2
Do d6 ta giai hé phuong trinh: & &
X+Y-3=0 X+Y =3 Y =1.
Do d6 taco z =2+ 4. Tu d6 suy ra w =6 — 7.
Vay Im(w) + Re(w) = 5.

Chon dap an @ 0
R . 2—9i
Cau 402. Tim phan ao cua so phtic z = Z
52 52 b+l 21 21
- B. —. C. ——. D. —.
37 37 37 37
Loi giai.
2-9i (2-9)(1—-6i) 52 21
Z= = = ——= — =t
1+6i (14 67)(1—69) 37 37
Chon dap an @ OJ

Cau 403. Goi 21, 2 la hai nghiém ctia phuong trinh z? + 2z + 10 = 0. Tinh gia tri ctia biéu thic
A= |z]?+ |2
A. A =2/10. B. A =20. C. A= 10. D. A =+/10.
Loi giai.
Phuong trinh ¢6 hai nghiém la z; = —1 — 34, 20 = —1 + 3.
Suy ra A = |2|* + |2]? = 20.
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Chon dép an (B) O
Cau 404. Goi a la phan thyc ctia s6 phtic z théa man (z — 1) (Z + 2:¢) la s6 thuc va |z| 1a nhé nhat.
Tim a. . 5 5 A
A a=-. B.a=-. C.a=-. D.a=-.
) 5) 5) )
Loi giai.

Goi 2 = a + bi, (a,b € R). Theo gia thiét, ta co:
(z—=1)Z+2i)=[(a—1)+billa— (b—2)i] =ala—1)+bb—2)+ [ab— (a — 1)(b — 2)] 1.
(z—1)(z+2i) lasdé thuc & ab— (a—1)(b—2)=02a+b—-2=0&b=2—2a.

4\* 4
Khi d6 z = a + (2 — 2a)i. Suy ra |z| = \/a2+(2—2a)2 = Vbha? —-8a+4 = \/5(@—5) —1—5 >
2v/5 2v/5 4

- Tu day, ta duge min |z| = - khi a = B
Chon dap an @ 0
Cau 405. Tim phan thuc, phan 4o ctia s6 phtic z = i) _T_z + 2 ;L i.

A. Phan thyc & 2, phan 4o 1a —4. B. Phan thyc 1a 2, phan 4o 1a 4i.

C. Phan thuc 1a 2, phan 4o 1a 4. D. Phan thyc 1a 2, phan 4o 1a —4i.
Lo giai.
Ta c6 z = 8- i)2(1 —9) + 2+ 21)<_Z> = 2 — 4i. Vay sb phtic z ¢6 phan thuyc 1a 2, phan 4o 1a —4.
Chon déap an @ O

Cau 406. Cho cac ménh de:
(I) S6 phiic z = 2i 1a s6 thuan ao.
(IT) Néu s6 phtic z ¢6 phan thyc 1a a, s6 phtic 2z’ ¢6 phan thuc 1a @’ thi s6 phitic z - 2’ ¢6 phan thuec

laa-d.
(ITT) Tich ctia hai s6 phitc z = a + bi (a,b € R) va 2/ = ' + b'i (a,b € R) la s6 phiic ¢6 phan 4o la
ab’ + a'b.
S6 ménh dé ding trong ba ménh dé tren 1a
A. 0. B. 3. C. 2 D. 1.
Loi giai.

Tac6 z- 2 = (a+bi)(a + Vi) = (aa’ — bY') + (ab' + a'b)i. Do d6, chi c6 hai ménh dé dung 1a (I) va
(111).

Chon dép &n (C) O
. ) . |Z—2+5i| =2 _
Cau 407. Goi S la tap hop tat ca cac so phtc thoa méan | | . Hoi tap S ¢6 bao nhiéu
z—0—1i|=3
phan ti?
A. 0. B. 2. C. Vb sb. D. 1.
Loi giai.
Gié stt z = a + bi (a,b € R). Hé phuong trinh da cho tuong duong véi
) ) 16
(a—2)"4+(5—0b) :4{:) @=7
17
(a—5°+(b—-1)7=9 p— ="
5
~ ~ ? 7 ~ X 2 N 16 17 .
Nhu vay tap S chi c6 mot phan tit la 2z = = + ?Z'
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Chon dép an (D) O

Cau 408. Goi M va m lan luot 1a gia tri 16n nhat va gid tri nhé nhat ctia phan thyc s6 phiic
1 P
w = 2° + —, trong d6 z 1a s6 phitc ¢6 |z| = 1. Tinh P = M? + m?.
z
A P=28 B. P=5. C. P=29. D. P =10.
Lai gidi. |
y . 1 ;1 1\? 1 s
bat z=a+bi=24+-=2aw=1=2 +Zzew=|(z+- —3|lz+—) =8a’ — 6a.
z 2z 2z z
Doad’?+b?=1=-1<a<1l.
Xét ham s6 f(a) = 8a® — 6a véi a € [—1;1] ¢6 max f(a) = 2 va min f(a) = —2.
Vay P = M?+m? =38

Chon déap an @ OJ
Cau 409. Cho s6 phiic z = 11 +4. Diém biéu dién sé phtic lien hop ciia z 1a diém nao dudi day?
A. Q(—11;0). B. M(11;1). C. P(11;0). D. N(11; —1).
Loi gii.
S6 phiic lien hop clia 2 14 Z = 11 — i nén c6 diém biéu dién 1a N(11;—-1).
Chon dap an @ O
Cau 410. Cho s6 phiic 2z thod man (2 + 3i)z = z — 1. Modun ctia z bang
1 1
A —. B. —. C. 1 D. V10.
V10 10
Lo gidi.

24+3i)z=2—1(1+3i)z=—-1<|1+3i|-|z|=1=|2| =

1
V10

Chon dap &n (A) O
. -2 . .
Cau 411. Cho so phiic z théa man 13 "l =1 Gia tri nhé nhat cla |z 4+ 3 — 24| bang
z+3—1i
2v/10 v 10
A. — B. 2v/10. C. v10. D. =
Loi gii.
Goiz=ax+4yi véiz,yeR.
9
% —le|r—2=|r+3—ilelr+y—2)=|+3)+y—1)e3r+y+3=0.

Vay tap hop cac diém biéu dién s6 phiic z 1a dudng thang d: 3z + vy + 3 = 0.
Ta ¢6 |z + 3 — 2i| = |z — (=3 + 2i)|, v6i Mo(—3;2).
|—9+2+3 4 2/10

NCE= TRV T R
Chondépén@ [l

|z + 3 — 2i| dat gia tri nho nhat bang d(My,d) =

Cau 412. Cho s6 phtic z = (\/g + \/52) 2018. Biét phan 4o cta z ¢6 dang z = a+bv/3+cv/5+dV/15,
trong céac s6 a, b, ¢, d c6 ding bao nhiéu s6 bang 07
A 2. B. 1. C. 4. D. 3.
Loi giai.
L (\/3 N \/5i>2018 _ (_2 N 2\/ﬁi)loog _ 51009 1009 Tk (—1)1000F TRk,

k=0
Phan 4o clia z tng v6i gia tri k 1a s6 1é nén a = b = c = 0.

Chon dap an @ O
Cau 413.
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Trong mat phing Oxy, diém M trong hinh vé beén la diém biéu dién s6 Y
phiic z. S6 phiic z la ]\4: ”””” *1
A -2+ B. 1—2i. C. —2—i. D. 1+ 2. _12 ‘0 ;
Loi giai.
Ta c6 M(—2;1) nén diém M la diém biéu dién s6 phitc z = —2 + 4. Do d6 z = —2 — 4.
Chon dap an @ O
Cau 414. Goi 21, 29 1a cac nghiem phiic clia phuong trinh 22 — 4z +5 = 0. Gi4 tri ciia (2 — 1)?18 +
(29 — 1)?918 bing
A, 21010, B. 21009 C. 0. D. 22018,
Loi giai.
Phuong trinh 22 — 4z + 5 = 0 ¢6 hai nghiem 1a 2; =2 — i va 2 = 2 + 1.
Ta c6
(21— 1)2008 4 (zp — 1)P18 = (1 — )28 4 (1 4 )08
_ [<1 _ Z>2:| 1009 [(1 +i)2] 1009
—(—20)10% 4 (941000
—(20)10 p (24)10% — .
Chon dap an @ 0

Cau 415. Cho cac sb phiic z, w théa man |z| = /5, w = (4 — 3i)z + 1 — 2i. Gia tri nhé nhat clia
lw| 1a
A. 3V/5. B. 4V/5. C. 5V/b. D. 6v/5.

L&i giai.

, Y
Theogiéthiéttacéw:(4—3z’)z+1—2i:>z:w4—;z.
— ol
142
Nén|Z|:\/5(:>‘w4—3+‘Z — V5o |w—1+2i| =55
— I

Vay, tap hop diém biéu dién s6 phitc w la dudng tron I(1; —2) va ban kinh R = 5v/5.

Taco O = \/12+ (-2)2 =5 < R.

Do d6 min |w| = R—0I =55 — /5 =4+5.
Chon dap én OJ

Cau 416. Cho sb phiic 2 ¢6 |z| = 2018. Dién tich clia da gidc c6 cac dinh la cic diém biéu dién

‘ , 1 . .
cua 2o va cac nghiém cta phuong trinh P + — dugc viét dang nv/3, n € N. Chit s6 hang
z 20 Z 20

don vi ctia n 1a

A 9. B. 8. C. 3. D. 2.
Lai giai.
z2#0

Dieu kién
z+ 2 7£ 0.
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Ta co

! 1+1 & (z 4+ 20)2z + (2 + 20)
= -4+ — 220 = (2 + 20)2 2+ 29)z
Z+ 2o Z 2 0 0 0770

& P+z+2=0

1 1 1 1 3 1 3
Nhu vay, phuong trinh = —+—c6 hainghiémlaz; = | —= — £ Zovazy = —=+ \/—_z 2.
zZ4+2z9 2 2 2 2 2 2

Goi My, My, M, lan luct 1a cac diém biéu dién céac sd phiic 2, 21, 2o.

3 V3. 3 V3,
M0M1:|21—2'0|: <—§—72> 20 :‘————
3 3
MOM2 = |22 - Z()| = (—— + il) 20

2 2

MMy = |z — =] = |(v/3i) ZO‘ = 2018+/3.

Nhu vay, tam gidc MoM; M, 13 tam gidc déu canh bing 2018+/3. Dién tich ctia tam gidc MM M, 1a
2

(2018v3) V3

S = . — 3054243V/3.

| 20| = 2018+/3.

w
B

5t |20 = 2018+/3.

[\]

Do d6 n = 3054243, chit s6 hang don vi ctia n 13 3.
Chon dap an @ O

Cau 417. Cho s6 phtic 2z duge biéu dién béi diem M (2; —3). Tim toa do diem M’ biéu dién cho sb
phiic 2z.
A. M'(-3;2). B. M'(—3;-2). C. M'(3;-2). D. M'(3;2).
Loi giai.
Tacoz=2—-3i & 12 =3+ 2.
Vay diém biéu dién cho s6 phiic iz la diem M'(3;2).

Chon dap an @ O
Cau 418. Ki hiéu a, b lan lugt 1 phan thuyc va phan 4o ctia s6 phiic z = —4 — 3i. Tim a, b.

A a=-4b=3. B.a=-4,b= —-3i. C.a=—-4,b=-3. D.a=4,b=3.
Loi giai.

S6 phiic z = —4 — 3i ¢6 phan thyc 1a @ = —4, phan 40 1a b = —3.

Chon dap an @ O
Cau 419. Goi 2, 2, 1a hai nghiém ctia phuong trinh 22 — 2z — i = 0. Tinh gia tri cia bicu thic
P = |z + 2z — 2i.

A. /5. B. 9. C. 2v/2. D. 4.
Loi giai.
Theo dinh Iy Vi-ét ta c6 21 + 2, = 2 nén P = |2 — 2i| = 2/2.
Chon dap an @ O

Cau 420. Cho sb phitc z théa man dicu kien |z — 2 — 4| = 2v/2. Goi M, m lan lugt la gia tri 16n
nhét va nhé nhit ctia biéu thitc H = |z + 3 — 2i| + |z — 3 + 4i]. Tinh M + m.

Suu tam € bién soan Th.s Nguyén Chin Em 119 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

A. 24/26 + 6v/2. B. 16V2. C. 11v2. D. 2v/26 + 8V/2.
Loi giai.
Taco H=|z+3—2i|+|—2+3—4i] >|2+3—2i—2+3—4i| =|6—6i] =62
Ditw=2—-2—i= |w =2V2.
Ditw=a+bitacoa®>+b*=8= (a+0)?<2a>+V*)=16=a+b<4.
Taco H=|w+5—i+|w—-1+5i]=/(a+52+0-1)2++/(a—1)2+ (b+5)2.
= H*<(1+1D[(a+5)*+(b—1)*+(a— 1)+ (b+5)?]
= H < 2(2a% 420> + 8(a +b) + 52) < 2(2-8 +8 -4+ 52) = 200.
Do d6 H < 10v/2. Vay M +m = 16v/2.

Chon dap an U

Cau 421. Cho s6 phiic z = a+bi, v6i a,b € R, théa man (1+1i)z+2z = 3+2i. Tinh S = a+b.
A.S—%. B. S=-1. C. S=1. D.S——%.

Lo gidi.

Ta c6

(1+id)z+22=3+2i
& (1+z‘)(a+bz‘)+2(a—bz‘):3+2z‘
(3a—0b)+ (a—0b)i=3+2i

@ {
Dod6 S=a+b=—

Chon dap an O

Cau 422. Trong mit phang Oxy, cho s6 phitc z théa man |z — 1| = |(1 + i)z|. Tap hgp diém biéu

3a — b—3
a—b=2

dién ctia s6 phiic z 1a
A. duong tron c6 tam I(1;0), ban kinh r = v/2.
B. duong tron c6 tam (0; 1), ban kinh r = /2.
C. duong tron c6 tam I(—1;0), ban kinh r = /2.
D. duong tron c6 tam 1(0; —1), ban kinh r = v/2.
Lo giai.
Dit z = o + yi, trong do6 x, y 1a cac s6 thuec.
lz—1| = |(1+4)z| & |(x = 1) +yi| = |1 +il|z+yi| © (2 —1)2+y? = 2(2® +3?) & 22 +9°+22—1 = 0.
Do d6, tap hop diém bicu dién s6 phiic z théa yéu cau bai toan la duong tron tam I(—1;0), ban kinh

r— 3.

Chon dap an @ O
Cau 423. Cho s6 phiic z thoa man |z — 3 + 44| = 2. Mo-dun 16n nhat ctia 2z bang

AT B. 8. C. 5. D. 3.
Loi giai.

Tap hop céc diém biéu dién cho s6 phitc 2 théa |z — 3 + 4i] = 2 1a duong tron c6 tam 1(3;—4) va
ban kinh bang R = 2. Suy ra max|z| =IO+ R=T.
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Chon dap an @ O

Cau 424. Cho s6 phic z théa man |z — 2 — 3i| + |z — 5 + 2i| = /34. Goi M, m lan lugt la gia tri
16n nhat va gia tri nhé nhat ctia biéu thic |z + 1 4 2i|. Khi d6 tong M + m bing

30 30 30
A —+ V34 B. — +5. C. V34 +6. D. — +6.
V34 V34 V34

Loi giai.

bat z =z +yi v6i z,y € R.

Goi I(z;y) 1a diém biéu dién ctia s6 phiic 2.

Ta c6 A(2;3), B(5;—2), C(—1; —2) lan lugt 1a diém biéu dién clia
s6 phtic 21 = 2430, 20 = 5 — 20, 23 = —1 — 2i. Khi d6 AB = /34
va |z +1+2i =CI. ;
Theo dé bai thi Al + BI = /34 = AB nén I thuoc doan thing Z
AB.

Phuong trinh ctia duong thing AB 1a 5z + 3y — 19 = 0.

C

5.(—1)+3-(=2)—19] 30
V52 + 32 V34

C1 dat gia tri 16n nhat nhat khi I tring véi diém dau mut ciia doan thang AB.
Mit khac CA = 34 va CB = 6.
Vay gia tri 16n nhat cia C1 1a 6.

CT dat gia tri nhé nhat khi CT L AB hay CI =d(C,AB) = |

Do dé M = 6, m — 2
3
\ﬁvayM+m:\/ﬁ+6.
Chon dap an @ O
Cau 425.
Cho tam giac ABC nhu hinh vé. Biét trong tam G clia tam giac ABC Y
14 diém biéu dién clia s6 phtic z. Tim phan &o ctia s6 phiic Z. A
A 1 B. —1. C. —i. D. i. y
B 0] C
2 P
Loi giai.
Theo gia thiét, ta c¢6 A(0;3), B(—2;0), C(2;0).
Toa do trong tam G cua tam gidc ABC 1a G (0;1) nén z =i =z = —i.
Chon dap an O
Cau 426. Cho s6 phitc 2 = a + bi, (a,b € R) théa man 2z — 2z = —2 + 9i. Khi d6 gia tri a + 3b
bang
A —1. B. —7. C. 11. D. 5.
Lai giai.
Tac6z—22=-2+4+9%< —a+3h=-24+N=>a=2;b=3=a+3b=11.
Chon dap an @ O

Cau 427. Cho s6 phiic z = a+ bi (a,b € R) théa man z+ 14 2i — (1 +i)|z| = 0 va |z| > 1. Tinh
gia tri ctia biéu thitc P = a + b.
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A P=-1. B. P =3. C. P=—5. D.P=T.
Lai giai.
Tacoz+1+2i—(1+i)|z) =0 at+1l—-Va2+02+ (b+2—vVa?+52)i=0
a+1—Va2+02=0
ﬁ{bm—\/m:o.

Suyraa+1=0b+2< a=>b+ 1, thay vao phuong trinh thi nhat ctia he, ta dugc:

b> -2
b+2—-V202+20+1=0% &1 lb=-1%
20 +20+1=0"+4b+4 b=3=a=4
b=3
— V6ia=0,b=—1taco |z| =1 (khong théa méan).
— V6ia=4,b=3taco|z| =5 (théa man).
Vay P=a+b=3+4=1"1.
Chon dap én@ [l
Cau 428. Cho cac s6 phiic z; va 23 thoa man cac dieu kién |2 —i| = |21 —1+4| v |22 — 1] = |29+ 2i].
Tim gia tri nhé nhat clia biéu thic P = |21 — 29| + |21 — 3| + |22 — 3|?
4 4+/2
A. Py = g B. P = Tf C. Puin = 4V3. D. Py = 4V2.
Lo giai.

Goi M, N lan lugt la diém bicu dién ctia cac s6 phiic 21 = a + bi, 2 = ¢+ di (a,b,c,d € R). Ta c6
— o —i=ln—-1+iled+0b-12=(a—1)+(b+1) > 2a—4b—1=0.
= M di dong trén dudng thing d;: 2z — 4y — 1 = 0.
— | —1=|n+2e (c-1) +d =+ (d+2)?=2c+4d+ 3 =0.
= N di dong trén dudng thang dy: 22 + 4y + 3 = 0.
Tacé P =21 — 20|+ |21 = 3|+ |20 —3| = /(a— )2+ (b—d)>+/(a =32+ 02+ /(c—3)2+ &% =
MN + MA+ NA véi A(3;0).

Ay d
N 2
A
M
1
dy
Ay

Goi A; déi xting véi A qua dudng théng d;; A, dbi xting v6i A qua duong thing d, ta co
MN+ MA+NA=MN+ MA; + NAy > A A,.

Diang thitc x4y ra khi va chi khi bén diém M, N, A;, A, thing hang.
Goi Ay 1a duong thiang di qua diém A va vudng géc véi dy, ta c6 phuong trinh duong thing A; la
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2 +y—6=0.

, 20 —4y—1=0 x
Goi H; = A1 Ndy; = toa do diem H; la nghiém ctia hé phuong trinh &
20 +y—6=0

<
I I
= ool o

5
Goi Ay la duong thang di qua diém A va vuong goc véi ds, ta ¢6 phuong trinh dudng thang A, 13
20 —y —6=0.

21
' B _ 2v+4y+3=0 =70
Goi Hy = Ay Ndy = toa do diem H, la nghiém ctia hé phuong trinh & 9
20 —y—6=0 y=—=
5
21 9 6 18
= H (—; ——> = A (—; ——).
*\10" 5 *\5 5
X 6 ? 18 ?
Vay Puin = 4145 = 5—2 + —3—2 = 4V/2.
Chon dap an @ O
Cau 429. Cho s6 phitic z = a + bi, v6i a, b 1a cac s6 thyc bat ky. Meénh dé nao sau day ding?
A. z — 7 khong phai 1a sb the. B. Phan 4o cta z 1a bi.
C. Mo-dun ciia 22 bang a? + b2. D. S6 z va Z ¢c6 mo-dun khac nhau.
Loi giai.
2
Ta co: 2] = (|2))* = (Va2 + %) = a® + 1.
Chon déap an @ OJ

Cau 430. Cho céc s6 phtic z; = 3 + 2i, 2o = 3 — 2i. Phuong trinh bac hai c¢6 hai nghiem 2; va 2,
la

A 224+62-13=0. B.22+62+13=0. C.22—-62+13=0. D.22—-62—13=0.
Loi giai.
Taco: z1+20=06, z21-29 =13
Suy ra phuong trinh bac hai c6 hai nghiém z; va 2o 1a 22 — 62+ 13 = 0.
Chon dap an @ O

Cau 431. Cho s6 phiic z. Goi A, B lan lugt 1a cac diém trong mit phang Ozy biéu dién céc sé phiic
z va (1 +14)z. Tinh |z| biét dien tich tam giac OAB béng 8.
A |z| =4 B. 2| = 2V2. C. |2z| = 4v2. D. |z] =2
Loi giai.
Dat z =a + bi v6i z # 0.
(14+)z=1+1i)(a+bi)=a—b+ (a+b)i.
Suy ra A(a;b), B(a —b;a+b), AB = (=b;a), AB = Va? + 12
Duong thang AB : a(z —a) + by — b) = 0 & ax + by — a®> — b* = 0.

_ A2 b2
Chiéu cao ha tit O clia tam giac OAB 1a h = d(0, AB) = Iz b

e = VT

Dién tich tam giac OAB bang 8 nén
1 2
5-(\/a2+b2> =8 Va?+b=4&|z|=4.

Chon dap an @ O
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Cau 432. Cho céc sb phtic w, z théa man |w +i| = %5 va bw = (2 +1i)(z — 4). Gia tri 16n nhat
ctia biéu thic P = |z — 1 — 2i| + |z — 5 — 2i| bing
A 4/13. B. 4+2V13. C. 2V/53. D. 6V/7.
Lai gidi.
T gid thiét ta co:

z—4+

5i 3v5
15w + 5i| = 3V5 < [(241)(z —4) +5i| =3V6 < ! ‘ V5

= ~
24| |2+

|z —3+2i| =3.

Goi M(a;b) 1a diém biéu dién s6 phitc z, suy ra M thuoc dusng tron (T') tam I(3; —2) ban kinh
R=3.

Goi A(1;2), B(5;2) va E(3;2) la trung diém ctia AB. Tac6 P = MA+ MB.

Khi d6 P? = (MA+ MB)? < 2(MA%*+ MB?) = 4ME*+ AB?. y

Nhan thay F nam ngoai dudng tron (7)), goi D la giao diém clia ol A E B
tia doi clia tia I E va duong tron (T') suy ra M E < ED, v6i moi | |
M thuoc (7). | |
Mat khéc ta co: AB = (4;0), IE = (0;4) = AB L IE= DE= —51 /7 AN
R+IE=3+4=T.
= P2 <AME? + AB* <ADE? + AB* = 449 4 16 = 212. Y
= P < 253, dau “=" x4y ra khi va chi khi M = D.
Vay gia tri 16n nhat ctia biéu thic 1a P = 2v/53.
D

Chon dap an @ O
Cau 433. Cho s6 phiic z = 3 + 4. Tinh |z|.

A. [Z| = 2V2. B. [z| = 2. C. z| =4 D. |z| = V10.
Lai giai.
Ta c6 |Z| = |z| = V32 + 12 = V10.
Chon dap an @ O
Cau 434.
Diém M trong hinh vé duéi day biéu thi cho s6 phiic y

A 3—2i B. -2+ 3i. C. 2 - 3i. D. 3+ 2i. M 3

_I2 O x

Lo giai.

Duta vao hinh vé, s6 phiic ¢6 phan thic 1a —2 va phan 4o 1a 3. Suy ra s6 phtic can tim 13 —2 + 3i.

Chon dap an O

Cau 435. Cho 21, 2 1a hai nghiém phiic ctia phuong trinh 22241 = 0, trong d6 s6 phtic z; ¢6 phan

40 am. Tinh z; + 32,.
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A. 2 + 329 = V2i. B. 2 + 32, = —V2. C. z1 + 320 = —V/2i. D. z; 4 329 = V2.
Loi giai.

1.
_ 2 =——=1
1 2
Phuong trinh tuong duong véi 2% = 5= % & 1\/§ :
29 = —=1
1 1 2 V2
Tt gid thiét ta c6 21 = ——=i, 29 = —=1.
g 1 /2 2 2
Suy ra 21 + 32 = V/2i.
Chon déap an @ OJ
. 3
Cau 436. Co6 bao nhieu so thiic théa man z + |2]% — 1 — é_lZ =07
A 1. B. 3. C. 2. D. 0.
Loi giai.

Dat z = a + bi (a,b € R). Thay vao biéu thitc ctia bai toan ta co:

3 a=1 a=1
(a—1)+<a2+b2+b——>i:0:> 1 = 1
4 P +b+-=0 b= ——.
4 2
Vay chi ¢6 ding mot s6 phtic thoa man bai toan.
Chon dap an @ O

Cau 437. Cho s6 phitc z = 1 + 7. Biét rang ton tai cdc s6 phic z; = a + 5i,20 = b (trong do
a,b € R,b > 1) théa man v/3|z — 2| = V3|2 — 25| = |21 — 2|. Tinh b — a.
A.b—a=5V3. B. b—a=2V3. C.b—a=4/3. D.b—a=3V3.
Lo gidi.
Dat M (1;1), N(a;5), P(b;0)(b > 1) 1an lugt 1a cac diém biéu thi cho cac sb phiic z, 21, 2.
Ta c6 MN = (a —1;4), MP = (b—1;—1) nén

[MN| = [MP] (a—1)*+16=(b—1)*+1
MP =48 1 (a—1)b—1)—4
coleOOZ—%V,AE, __:(a )( a )
IMN|-|MP| 2 (a—1)2+16

a—12—=(b-1)2%*=-15
é{( A UES) )

(a—1)*+2(a—1)(b—1) = -8

v? +y? =15 . i
baitx=a—1,y=0—1(y > 0) thi = 72 + 302y + 8y? = 0 (nhan chéo vé véi vé
x4 220y = —8
cia hai phuong trinh).
Tim duge 7Y . Thay vao () thi thay chi c6 z = _Ty thoa man.
r = —4y
Lic nay 3% = 19 Doy>0=y= Vayb—a=y—z=3V3
yyi=—o = y =y—z=3V3.
3 J_ \f
Chon dap an @ O
Cau 438. Goi 7 la nghiem phtic c¢6 phan 4o am ctia phuong trinh 222 — 62 + 5 = 0. S6 phiic iz
bang
1 3 1 3 1 3 1 3
A —— + -1 B. —+ - C. — ——i. D - — -
23 23 2 2 2 2
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Lai giai. |
Tac6222 —62+5=0& 2= 3:;2.
Dodézozg—%iiizozé%—;i.
Chon dap an O
Cau 439. Cho cac s6 phtic 2; = 2 + 3i, zp = 4 + 5i. S6 phtic lien hgp ctia s6 phitc w = 2(21 + 23)
la
A. w =8+ 10i. B. w=12 - 16:. C. w=12+ &. D. w = 28.
Loi giai.
Ta c6 w=2(6+8i) =12+ 16i = w = 12 — 16i.
Chon dap an O

Cau 440. Cho sb phitc z thod man dong thoi hai dicu kien |z — 3 — 4i| = v/5 va biéu thic M =
|z 4 2> — |z — i|* dat gid tri 16n nhat. Modun ctia s6 phitc z — 2 — ¢ bing
A VG B. 9. C. 25. D. 5.
Loi giai.
Dit z =2 +yi,(Vo,y €ER) = [z =3 —4i| =V (- 32+ (y—4)2>=5 (1).

Ta co:
M = [z42f -]z —i
= (@+2° 4+ —2°—(y— 1)’ =40 +2y+3
= 4(x—-3)+2(y—4)+23
< V20y/(z —3)2 + (y — 4)2 + 23 = 33.

. r—3 4 r=yYy=5=>2=5+051

Dau ” =" xay ra khi chi khi = — két hgp véi (1) suy ra
y—4 2 r=1,y=3=2=1+3i

Thit lai ta ¢6 Mp.x =33 < 2=5+5i = |z —2—i| =5.
Chon dap an @ O
Cau 441. Cho s6 phiic z c6 s6 phiic lien hop Z = 3 — 2i. Tong phan thiic va phan 4o ciia s6 phiic 2
bang

A 1. B. —5. C. 5. D. —1.
Loi giai.
Ta c6 z = 3 + 2i. Vay tong phan thuc va phan 4o clia sé phitc z 14 3 +2 = 5.
Chon déap an @ OJ
Cau 442. Cho sb phtic z thoa man (1 + 2i)z = (1 + 2i) — (—2 +4). Mo-dun ctia z bang

A. 2. B. 1. C. V2. D. V/10.
Loi giai. _
Taco (1+20)z2=(142i)— (—2+i) < (1+2)z2=34+i< 2= 13:_2273 =1—i.
Vay |z| = V2.
Chon dap an @ O
Cau 443. Biét 2" (C) +iC), — C2 —iC3 +--- +i*CE +-- - +4"C}) = 32768i, v6i CL 1a cac s0 t0
hop chap k clia n va i2 = —1. Dt Ty = i*CF, gid tri clia Ty bing

A. —330i. B. 8. C. —36i. D. —120:.

Suu tam € bién soan Th.s Nguyén Chin Em 126 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Lo giai.
Ta c6 2" (C) 4 iC,) — C2 —iC + -+ +d"CL + -+ +4"CP) = 32768i

& 2" (C) +iCL +°C2 +4°C2 + - 4" CE + -+ +i"C)Y) = 327684

& 2"(1+10)" = 2% < (1 +i)" = 27" 1a 56 thuan 4o (%)
Néun=2m+1, m €N thi (1+4)" = (1+14)*"" =2m{™(1 +4): khong thuan 4o, sai so véi (*).
Nhu vay n = 2m, m € N. Khi d6 (¥) & (1 4 4)2™ = 215-2mj 5 omjm = 215-2mj o oy — 5,
Vay n = 10, tit d6 ta c6 Ty = i7CI = —8i.
Chon dap an O
Cau 444. Cho s6 phiic z thod man |z — 3 — 4i| = v/5 va biéu thic P = |z 4 2|? — |z — i|? dat gia tri
16n nhat. Mo-dun ctia s6 phiic z bang

A. 10. B. 5V2. C. 13. D. V10.
Lo giai.
Dat z = o + yi véi z,y € R va goi M(z;y) la diém biéu dién ctia z trén Oxy, ta co
|z —3—4i| =56 & (z —3)2+ (y —4)? =5.
VaP=]z+2P—|z—i’=(@+2)°+y*—2?— (y— 1) =4z + 2y + 3.
S P=dr+2+3=[Az—3)+2y—4)]+23<VE T2 /(=3 + (y — 42 +23 = 33.
r—3 Y- 4 _y =09
Dau “=” x4y ra khi va chi khi 4 2 < y=5>5
4z —3)+2(y—4) =10 F=05.

Vay P dat gia tri 16n nhat khi z = 5 + 5i = |2| = 5v/2.
Chon dap an 0

Cau 445. Goi 21, 23, 23 1a ba nghiém phiic cia phuong trinh 2% +8 = 0. Gid tri ctia |z1] + | 29| + | 23]

bang

A.2+2V3. B. 3. C. 2+ V3. D. 6.
Loi gii.

z=—2
z=—2
Taco 22 +8=0& (2+2)(2*>—22+4)=0& & lz=1-3i.
22 —22+44=0
z=1+3i

Do d6 |z1| + |z2| + |23 = 6.
Chon dap an @ O
Cau 446. Cho sb phitic z thoa man (1 + 2)(1 +14) — 5+ ¢ = 0. S6 phic w = 1 + 2 bang

A -1+ 3. B.1-3. C. -2+ 3. D. 2 - 3.
Lai giai. |
Taco (1+2)(1+i)—5+i=01+z= 112, Sltz=2-3icz2=1-3.

i

Chon dap an @ O
Cau 447. Gia tri ctia bicu thic CYy — C%5y + Clgg — CSp + - - — CT5, + C109 bing

A, —2109 B. —2%, C. 2109, D. 2%,
Lo gidi.
Ta co

(14d)1%0 =l + iCig + i*Clyo + - + 1°Cl0
= (Co0 — Cioo + Cloo — -+ - + Cigg) + (Clgo — Coo + Cloo — Cioo)i
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Mt khac (14 )19 = [(1 + 1) = (2i)%0 = —2%.
Vay Clyg — Cloo + Clog — Clpp + -+ — Cf + Cigp = —2°.
Chon déap an OJ

Cau 448. Cho s6 phiic z thda man |z| =1 . Goi M va m lan lugt 1a gia tri 16n nhat va gia tri nho
nhit ctia biéu thitc P = |2z + 1| + |22 — 2 + 1| . Gi4 tri ctia M - m bing

A % B % C. ﬁ D. %
4 8 3 8
Loi giai.

Datt=|z+1] <|z|+1=2nénte€[0;2]. Vi |z] =1nén z-zZ=1, suy ra
P=z+1|+|2—z4+z-2=|z+1+|z+2-1].
Ta lai ¢6
= +1P=C+1)(E+1)=2+(2+2)

neén z +z=1t>—2. Vay P= f(t) =t +|t* — 3|, véi t € [0;2]. Ta viét lai ham s6 f(¢) nhu sau:

21¢t—3 khiv3<t<?
2 4t+3 khio<t<V3

Ta co
o 2t + 1 khi\/§§t<2ft) oy ]
= ) - @ - 3-
—2t+1 khiO<t<+V3 2
C sl 1 13
Khi do, f(0) =3 1 (3 ) = s J(vB) = VA /(2) =3
13 13v3
VayM:Z;m: 3nénM'm:T\/_.
Chon dap &n (A) O
N ) 1
Cau 449. Phan 4o cta so phiic T3 la
1 1 1
A —. B. ——. C. —1. D. —-1.
2 2 2'
Ldi giai.
Ta o6 11 hin Ao ciia s6 phit 1 1 1
8 ¢6 7—— =5 — 5 nén phan 4o clia 6 phiic —— la —2.
Chon dap an O
Cau 450. Cho sb phiic z thod z — |z| = —2 — 44. Mo-dun cua 2 la
A. 3. B. 25. C. 5. D. 4.
Lai giai.

Dit 2 = a+ bi (a,b € R). Theo dé bai ta c¢6

a—va?+b* = -2 a=3
a+bi—\/a2+b2:—2—4i<:>{b @{
=4

Vay mo-dun clia z 1a /32 + (—4)2 = 5.
Chon dap an @ O

Cau 451. C6 bao nhiéu s6 phitc z thod man dong thoi hai diéu kién sau: |z — 10 + 2i| = |z + 2 — 144|
i |z — 1 — 10 = 57
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A. Vo s6. B. Mot. C. Khong. D. Hai.
Loi giai.
Goi M(x;y) la diém biéu dién ctia s6 phiic z. Tit diéu kién ban dau ta c6 hé phuong trinh
V(@ =102+ (y+2)2 = \/(x +2)% + (y — 14)2 {3x—4y—|—12:()
=
V@ =12+ (y—102 =5 (z — 1)* + (y — 10)? = 25.

Dé y duong thang 3z — 4y + 12 = 0 tiép xtc véi dudng tron (z — 1)2 + (y — 10)? = 25, nén hé trén

chi ¢6 mot ciip nghiém (z;y), suy ra chi ¢6 mot sé6 phiic thoa yéu cau de bai.

Chon dap an O

Cau 452. Cho s6 phiic z thoa diéu kién |z + 2| = |z + 2i|. Gia tri nhé nhat ctia biéu thic
P=|z—1-2i+|z—3—4i|+ |z —5— 61

dude viét dusi dang (a + b\/ﬁ) /\/§ véi a, b la cac httu ti. Gia tri cia a + b 1a
A. 3. B. 2. C. 7. D. 4.
Lo gidi.

Cach 1
— Dat E(—2;0), F(0;—-2), A(1,2), B(3,4), C(5,6), M(x,y) biéu dién cho s6 phiic 2.
— Tt gia thiét, ta c6 M thuoc duong trung triic A : y = x ctia doan EF va P = AM+BM+CM.
— Ta chitng minh diém M chinh la hinh chiéu vudéng géc ctia B lén dudng thing A.
— V6i M’ tuy y thuoc A, M’ khac M. Goi A’ 1a diém dbi xiing clia A qua A. Nhan thay rang
ba diem A’, M, C thang hang.
— Taco AM'+BM'+CM' = AM'+BM'+CM'.Ma AAM'+CM' > A'C = AAM+CM =
AM + CM. Lai c6 BM'" > BM. Do d6 AM'+ BM' +CM' > AM + BM + C' M.
Cach 2.
— Goi z =z +yi, (z, y € R). T gid thiét |z + 2| = |z + 2|, dan dén y = z. Khi d6 z = z + zi.
— P=/(z =124+ (@—-22++/ (2 =32+ (x —4)2+ /(z = 5)2 + (v — 6)2.
— St dung bat dang thrc

VE TR+ VETE 2 \/(a+ o)+ (b+d)2
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P b
Dau dang thitc xay ra khi va chi khi a_ 7 Ta c6
c

x — +\/ —x)? —x)?

V0@ =124 (z—2)2 +/(z —5)2 + =/
\/(x—1+6—x) (:U—2—i—5—x)

>
> V34,
L s -1 -2 7
Dau dang thitc xay ra khi va chi khi ’ - S r=—.
6—-—r OS5—=x 2

— Mat khéc

7 1 1

—3)? —4)2 =222 - 14 25 =2 (—— - > —

V=32 + (r — 42 = V2r? 1o + \/_\/:c2 tiZ s
PR 7
Dau dang thitc xay ra khi va chi khi:z::§.
_1+217

— Tt hai truong hop trén, ta thay, gia tri nhé nhat ctia P14 ————. Khi d6 a +b = 3.

V2
Chon dap an @ 0

Cau 453. So phiic z = 15 — 37 ¢6 phan 4o bing
A. 15. B. 3. C. -3. D. 3.
Loi giai.
Phan 4o 1a —3.
Chon déap an @ OJ

Cau 454. Cho hai s6 phiic z = 3 — 5i va w = —1 + 2i. Diém biéu dién s6 phtic 2/ = Z — w - 2 trong
mat phang Ozxy c6 toa do 1a

A. (—4;—6). B. (4;6). C. (4;-6). D. (—6;—4).
Lo giai.
Ta cb
7 =zZ—w- -z

=3 +5i — (=14 2i) - (3 —5i)
=3 +5i — (7+ 114)

= —4 — 61.
Chon dap an @ O
Cau 455. Xét cac s6 phitc 2 = 3 — 44, 2 = 2+ mi, (m € R). Gi4 tri nhé nhat clia mo-dun s6 phiic
22 bing
z1
2 1
A —. B. -. C. § D. 2.
5 5 5
Loi giai.
V4 2
Ta ¢6 |2 :@:l —,Vm € R. Dau déang thtic x4y ra khi m = 0.
1 |Zl| 5% 5
. . 2
Vay gia tri nhé nhat ciia mo dun sé phiic 2 bang £
1
Chon dap an @ O
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Cau 456. Trong mat phang phiic, cho s6 phitc z thda man |z — 1 +i| < V2. Khang dinh nao sau
day dung?

Az +1] < V2 B. [z +1i] < V2. C. 2z+1—i] <2 D. |22 — 1 +i| < 3V2.
Loi giai.
Ta c6 tap hop diém biédu dién s6 phitc z théa [z — 1 + i| < 4/2 1a hinh tron (1) tam I(1; —2) ban kinh
r= V2.

o 2 ~ P p 1 1
Tap hop cac diém biéu dién s6 phitc z thoa |2z — 1 4 4| < 3v/2 13 hinh tron (2) c6 tam I, (5, ——) LT =

2
3v/2

2
Nhan thay hinh tron (1) nam trong hinh tron (2).
Chon dép an (D) O

) 14 ) 2018 1 — ;) 2018 )
Cau 457. Tinh so phiic z = ( i Z) + ( Z) c6 ket qua 1a
1—1 1+

A 2. B. -2 C. 2i. D. 1+
Loi giai.
2= 2008 4 (—§)2018 = 9.
Chon dap an O
Cau 458. Cho hai s6 phiic z; va z; thda man zy, 20 # 0 va 25 — 22129 + 227 = 0. Tinh 22 .

<1
1
A |2 = VB B. | 2| =22 c. |2=—. D. |2| =2
21 21 21 2v/2 21
Loi giai.
2
2222 =00 <@> —2(9) t2=0e2=1+i= |2 =0
21 21 21 <1

Chon dap an @ O

Cau 459. Cho s6 phiic z théa man diéu kien |z — 1 4 2i| = v/5. Khi d6 s6 phitc w = z + 1 +i ¢6

modun 16n nhat |w]y,.. bang

A |w|max = 20. B. |[w|max = 2V/5. C. |w|max = V5. D. |[w]max = 5V/2.
Loi giai.
Taco |z —14+2i|=vV5 e |w—2+i =5 = |jw|—|2—i| = |w| — Vb = |w| <25, dau” =" xdy
ra khi w = 4 — 2i. Vay |w|max = 2V/5.
Chon dap an O

Cau 460. Cho hai s6 phiic z;, z dong thoi théa man hai dicu kien |z — 1| = v/34 va |z + 1 +mi| =
|z + m + 2| trong d6 m € R, sao cho |z; — 23| 16n nhét. Khi d6 gia tri clia |21 + 25| bing

A V2. B. V130. C. 2. D. 10.
Loi giai.
Dit 2 = 2 + yi,z,y € R. |z — 1| = /34 suy ra biéu dién ciia z thuoc duong tron tam 7(1;0), ban
kinh /34, |z + 14+ mi| = |z + m + 2i| & (2m — 2)z + (4 — 2m)y + 3 = 0 (d) nén biéu dién cta z

) - . 3 3\ .
thuoc duong thang d, dé thay d luon di diem K 573 coO dinh.
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Biéu dién ctia 21, 2 1a giao diém clia duong tron tam I va dudong thang d, d& thay |z, — 25| 16n nhat
khi d di qua I, khi d6 z; = —4 — 3, 29 = 6 + 3i va |21 + 25| = 2.

Chon dap an @ O

Cau 461. Trong mit phang toa do Ozy, tim toa do diém M biéu dién cho sé phiic z = 3 + 5i.
A. M(3;=5). B. M(-3;-5). C. M(3;5). D. M(5;3).
Lai giai.
S6 phtic z = a + bi ¢6 diem biéu dién 1a M (a;b). Vay suy ra diem M c6 toa do 1a (3;5).
Chon dap an (C) O

Cau 462. Phuong trinh 22 + 2z + 3 = 0 ¢6 hai nghiém z;, 2o trén tap hgp s6 phiic. Tinh gia tri clia
biéu thitc P = 22 + 22.

A. P=-5. B.P:—%. C. P=6. D. P=T7.
Loi giai.
1 V1l

P iy
C622+2+3=0% 22

1V

z2— 5 i 2

1 V11 1 V11

av P=| —— ) —— - I
Vay ( 2—|—z 5 > +< 5 l 5 > 5
Chondépén@ O

Cau 463. Cho hai s6 phiic 2, 2, thoa |21| = |2 = V17. Goi M, N lan lugt 1a diém biéu dién ctia
21, 2 trén mit phang toa do. Biét M N = 3v/2, goi H la dinh thit tu ctia hinh binh hanh OMHN
va K la trung diém ctia ON. Tinh do dai ¢ ctia doan thang K H.

A.e:ﬁ. B. ¢ =5V2. cw:%ﬁ.

_5V2
5 — 2V

D.
¢ 2

L&i giai.
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Goi E la giao diém ctia OH va MN. N H
2 2 2
O — OM?*+ ON _MN
2 4 K
9 25
= 17—5:7;»01{2:40132:50
HE? — HN? + HO? ON2_0M2—|—OH2 ON?
N 2 4 2 4 O M
1 1 11 1
_ 17450 1m_ur e 3VI3
2 4 4 2
Chondépén@ OJ

Cau 464. Trén tap hop s6 phiic, cho phuong trinh 2%+ bz +c¢ = 0 v6i b, ¢ € R. Biét rang hai nghiem
ctia phuong trinh c6 dang w + 3 va 3w — 8 + 13 véi w 1a mot s6 phiic. Tinh S = b — 3.
A. 5 =-496. B. §=0. C. §=-26. D. 5=8.
Lai gii.
Goizy =w+3=m+niva z=3w-—8 + 13 = m — nt, v6i m, n € R la hai nghiém phiic ctua

phuong trinh.

Vaw th 6w —m 3 13 8 s —m=3  (m=-2
aytacow=m-—3+n = 3 + 3 1< S—_n =

Zl‘l—ZQ:—b:Zm

CcC =

b=14
Mat khac ta co { & { , vay ta suy ra S = b? — 3 = —496.

2129 =c=m?+n?
Chon dap an @ O
Cau 465. Ki hiéu 2, la nghiém phitc c6 phan thiyc am va phan 4o duong clia phuong trinh 22 + 2z +

10 = 0. Trén mat phéng toa do, diém nao dudi day la diém biéu dién s6 phitc w = 2017 %,?

A. M(3;—-1). B. M(3;1). C. M(-3;1). D. M(-3;-1).
Loi giai.
z=—1—3
Taco 22 +22+10=0< . Suy ra zg = —1 + 3i.
z=—1+3
w =iz = i(—1+ 3i) = —3 —i. Suy ra diem M(—3; —1) biéu dién s6 phiic w.
Chon dap an @ O

Cau 466. Cho sb phiic z = a + bi (a,b € R). Biét tap hop cac diém A bic¢u dién hinh hoc s6 phtic
z la duong tron (C') ¢6 tam 1(4;3) va ban kinh R = 3. Dat M 1a gia tri 16n nhat, m 1a gia tri nho
nhat ctia F' = 4a + 3b — 1. Tinh gia tri M + m.

A M+m=063. B. M +m=48. C. M +m = 50. D. M +m =41.
Loi giai.
Ta c6 phuong trinh duong tron (C) : (z —4)% + (y — 3)? = 9.
Do diém A nam trén dudng tron (C) nén ta c6 (a — 4)? + (b —3)2 = 9.
TacéF:4a+3b—1:>a:W
F+1-3b

2
I —4) +b—6b+9 =9« 250 —2(3F +3)b+ F*+225 =0

(a—4)2—|—(b—3)2:9:>(

A = (3F +3) —25F* — 5625 > 0 < —16F* + 18F — 5625 > 0 < 9 < F < 39
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Khido M =39,m =9. Vay M +m = 48

Chon dap an O
Cau 467. Sb phtic nao sau day la s6 thuan ao?
A z=+/3+2i B. z=-2+3i. C. z = 2i. D. z=-2.
Lai giai.
S6 phiic thuan 4o 1a sd phiic c6 phan thie bang 0 = z = 2¢ 1& s6 thuan do.
Chon dap an @ OJ
Cau 468. Goi z 1a nghiém phiic c¢6 phan 4o am ctia phuong trinh 222 — 6z +5 = 0. Tim izy?
I S A U R U P
iz =g+ gl iz =g+ ot iz =g = ot iz =5 = gl
Loi giai.
3 . 1.
z2==+4 =i
3 1 1 3
Xét phuong trinh 222 — 62 + 5 = 0 & Z_g_i =5 -cisin=g+ i
2 2
Chon dép an (B) O
Cau 469. Cho s6 phic z = a+bi véi a,b € R théa man z+1+3i — |z|i = 0. Tinh S = a + 3b.
7 7
A S=-5. B.S:§. C.S:—g. D. S=5.

Loi gii.
Ta c6 z = a+bi = |z| = vVa? + b?. Khi do

z+1+43i—|zli=0&a+bi+1+3i—Va2+b2i=0

a+1=0
<~
b+3—-Va2t+02=0

a=—1
= 4
b=—=
3
=SS=a+3b=-1—-4=-5.
Chon dap an @ OJ
Cau 470.
Trén mat phéng toa do Oxy cho diém M trong hinh vé bén la diém biéu dién Y
clia s6 phtc z. Tim z. 3
A z=—-443i. B.z=-3+4+4i. C.z=3-4i. D. z =3+ 4. 0 T
Y S ‘M
Loi giai.
Diém M c6 toa do 1a M (3; —4) = diém M biéu dién s6 phitc z = 3 — 44.
Chon déap an @ OJ
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Cau 471. Cho s6 phtc z théa méan |(z +2)i + 1|+ [(Z — 2) i — 1| = 10. Goi M, m lan luot 1a gia tri
16n nhat va gia tri nhé nhat cla |z|. Tinh tong S = M + m.
A 5=09. B. 5=8. C. S =221 D. S =—-2V2L.
Lo giai.
bat z=a+bi v6i r;y € R, khid6 zZ=a — bz
Xét |(z+2)i+1+|z—-2)i—1=10& [z4+2—i|+ |z — 2+ = 10.
Trong mét phang toa do Oxy, goi M (z2), N (z), A(=2;1), B(2;-1), C (2;1), khi d6 MC = NB.

: . . jAC =4 X2 y?
Khi dé6 ta dugec M A+ MC = 10, quy tich diem M la Elip v6i =(E): —+—=1
2a = 10 25 21
(phuong trinh Elip v6i hé truc toa do IXY véi I (0;1) la trung diém ctia doan AC)
1 ~ . 2. ~ X=uz [EQ (y B 1)2
Ap dung cong thic doi truc toa do ta duge (F): — + =1.
a = 5sint 5
Dat véi t € [0;27], ta duge |z|" = OM? = a®> +1?
b=14 v2lcost
2
= |z|* = 25sin®t + (1 +v21 Cost> = —4cos®t + 2v/21 cost + 26 = f (¢).
Xét ham s6 f (t) = —4cos®t + 2v/21 cost + 26, dit cost = a € [—1;1],
2v21
Ta duge ham f (a) = —4a® + 2v/21a + 26, f'(a) = —8a +2v21 >0 & a < S

max f (a) =14++v21 khi a=cost =1

= f(a) dong bién trén [—1;1] = .
min f (a) = =1+ 21 khi a=cost=—1

Vay M +m = 2+/21.

Chon dap an @ O
Cau 472. Cho hai s6 phiic 2; = 3 — i Vi 29 = 4 — i. Tinh mo-dun ciia s6 phiic 2?2 + Z,.

A. 12. B. 10. C. 13. D. 15.
Loi giai.

Ta c6 86 phitc w =27 +Zy = (3 — i) + (4+i) =9 —6i +i> +4+i=12 - 5i.
Nen |w| = /122 + (=5)* = 13.
Chondépén@ O

Cau 473. Cho s6 phitic z théa man |2z — 3 — 44| = 10. Goi M va m lan lugt 1a gia tri 16n nhat va
gié tri nho nhat cia |z|. Khi d6 M — m bang
A. 5. B. 15. C. 10. D. 20.
Loi gidi.
Gia sit 86 phtic z = o + iy v6i 7,y € R v diém M (z;y) 1a diém biéu dién s6 phiic 2.
Khi do

22— 3 —4i| =10 < |2 (z + yi) — 3 — 4i| = 10 & |(2z — 3) + (2y — 4) | = 10

suy ra
2

(2x—3)2+(2y—4)2:100<:>(x—;) + (y —2)* = 25.

. 3
Do dé6 tap hop diem M thuoc dusng tron (C') ¢6 tam [ (5, 2) va ban kinh R = 5.

) 3\? 5 .
Ma |z| = OM, 6 d6 O la goc toa do. Do OI = <§> +22 = 5 suy ra O nam trong dudng tron
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5 15 5 5
(C).Dod()max|z]:OI—i—IM:§+5:?vamin\z|:[M—OI:5—§:§.
1
Vay M — m——5—g—5.
Chondapan@ O

Cau 474. Cho s6 phtic 2 thay ddi théa man |z —i| + |z 4+ 14| = 6. Goi S 1a dudng cong tao bdi tat
ca cac diém biéu dién s6 phiic (z — i) (i + 1) khi 2z thay ddi. Tinh dién tich hinh phang gii han bdi
duong cong S.

A. 127, B. 1227 C. 9v2r. D. 9r.
Lo gidi.
Gia st diém M (z;y) 1a diém biéu dién s phitc w = (z —4) (i + 1).
Khi d6 (z — ) (i+ 1) = x + yi nén

z_@.:x—l—w Z_i:(x-l-?ﬂ)(l—z) Z_Z,:(x+yz)(1—z)
1+ PN 2 o 5
. Tty -2 2)i _9 N4l (1—i) "
Zz+1= y + 2 Z_H.:(:c )+<y+ )i z+i:[(x )+ (y+2)d] (1 —1)
L4 141 9
1—2 1
Tasuyra|z—i|:|x+yz‘|-‘ 22 —71/ + 2.
1

E\/(gc —2)% 4 (y+2)%

Tuong tu |z +1i| = [(x —2) + (y+2) ¢ ‘

Do gia thiét |z — | + |z 4 i| = 6 suy ra

1 1 2 2 2 2
— VP =@ -2+ w+2 =6 V2 + 12+ (2 =2+ (y+2)° =6V2.
7 y \/5\/( )"+ (y+2) /(@27 + (y+2)
Gia sit F, (0;0) va Fy (2; —2), khi d6 M F, + MF, = 6+/2. Do d6 tap hop diém M chuyén dong trén
elip nhan Fy, F, 1a tieu diém va c6 do dai truc 16n 1a 6+/2.

F F
Tacéa=23vV2vhc=—2=+/2nénb=+aZ—Z=4. Khi d6 S = 7ab = 121/27.

2
Chon dap an O
Cau 475. Goi 21, 23 1a cac nghiém ciia phuong trinh 22 — 22 +5 = 0. Tinh P = 2} + 23.
A. —14. B. —14i. C. 14. D. 14s.
Loi giai.
z=14+2
eTac622—224+5=0&
z=1— 2.
eDod6 P=z425=(1+20)*+(1—2)*=-14.
Chon dap an @ O
Cau 476. Diém M trong hinh vé bén biéu dién sbé phiic c6 phan thuc la
A 1. B. 2. C. V5. D. 3. y
M
I 7
O 2
Loi giai.

Diém M biéu dién s6 phiic z = 2 +i. Do d6, phan thuc ctia z 1 2.
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Chon dép an (B) O

) z Z
Cau 477. C6 bao nhiéu so phiic z théa man |z| =1 va |= + —‘ =17
zZ oz

A. 6. B. 4. C. 10. D. 8.
L3i giai.
e Gidstz=x+yivéiz,y eR. Taco |z]| =1 2?+y*>=1.
oi—l—z:1©M:1@|z2+32|:1<:>|2(a:2—y2)\:1<:>x2—y2:il.
- 12| - 7] 2
_ _\/§ B
TSV
LV,
27 2
_ V3]
TS
2 =1 2ot o3 L
o Ta c6 | & 4 2 o 2 2
x—y2:i— x2:1y2:§ x_l _\/_§
4’ 4 _2’y_ 2
1 V3
e
1 V3
T=pU=y
_ 1 _VB
| | oy
e Vay c6 8 so phiic thoa man yéu cau bai toan.
Chon dép an (D) O

Cau 478. C6 bao nhiéu s6 thyc m sao cho phuong trinh bac hai 222 + 2(m — 1)z +2m +1 =0 ¢6
2 nghiém phitc phan biét 2, z, déu khong phai 1a s6 thuc va théa man |z | + |z| = V/10.

A1 B. 2. C. 3. D. 4.
Loi giai.

Do 21, 22 khong phéai s6 thuc nén 21, 25 1a cdc s6 phiic lien hop. Suy ra 2125 = |21|* = |29]2

|21] + |22 = V10
]zl|2 + |22]2 + 2|z1||22| = 10

22129 + 2|21 22| = 10
2m + 1 2m+1
2 2

2m + 1| = 9 — 2m

2 +2

-~ 10

(I

m = 2.

3 1

V6i m = 2, phuong trinh c6 2 nghiém 2, = —5 + =i VA 23 = —— — —i thda man yéu cau bai toan.

Chon dap an @

2 2 2
U

Cau 479. Tim toa do diém M la diém biéu dién ctia s6 phic z = 3 — 4i.

A. M(3;4).

B. M(-3;—4).

C. M(3;-4). D. M(-3;4).
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Lo gidi.
Ta c6 6 phiic z = 3 — 4i ¢6 diém biéu dién 1a M(3; —4).
Chon dép an (C) O
Cau 480. Cho s6 phiic z = a+ bi (a, b € R) thdéa méan |z| =5 va 2(2 +4)(1 — 2¢) 1a mot s6 thue.
Tinh P = |a| + |b].

A. P=8. B. P=4. C. P=5. D P=T7.
Loi giai.
Ta co

2(241)(1 —2i) = (a+ bi)(4 — 3i) = 4a + 30+ (—3a + 4b)i. (1)

Do 2(2+1)(1 — 24) 1a mot s6 thyc nén tu (1) suy ra —3a+4b=0 b= za. (2)

Mit khac |z| =5 < a®> + b2 =25.  (3)
Thé (2) vao (3) ta dugc phuong trinh

3 \2
a2+(1a) =25<a’=16< a = +4.

Voia=4=b=3vaa=—-4=0b=—3.
Vay P=la|+ |b| =3+4=T.
Chon dép an (D) O

Cau 481. Goi z; va 2o 1 hai nghiém phiic ctia phuong trinh 22 — 6z + 11 = 0. Tinh gia tri clia biéu
thic H = [321] — |22].

A H =22 B. H=11. C. H=2+11. D. H=+v11.

Loi giai.
Ta co

, 21 =34+ V2

2 6:411=0%
29 = 3 — \/§Z

Ma |21] = | 2] nén H = [321] — |2] = 3|21| — |21] = 2|z| = 2 ]3 + \/52‘ = 2V/11.
Chon dap én@ O

Cau 482. Cho s6 phitc z = a + bi, (a, b € R) théa man 4(z —2z) — 15 = i(2+z—1)°>. Tinh
P = —q+4b khi |z — % + 3i| dat gia tri nho nhat.

A . P=T. B. P=6. C. P=5. D. P=4.
Loi giai.

Ta co
4(z—2)—165i=i(z2+2—1)°
& 4(2bi) — 15i = i(2a — 1)?
& 8h—15=(2a—1)°

2 4
15 15
Tw (1) suyra2b—Z20(:)b2§.
Ta co ) )
1 1 21
25+l = (a—§> +(b+3)2=b2+8b+z.
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) 21 15 ,
Xét ham s6 f(b) = b* + 8b + 7 trén [—; —{—oo) ta ¢6 bang bién thién

8
15
b — +00
8
f'(b) +
+00
f(b) <15> /
/ 8
N 2 s X PN ~ 1 . ., . ° Z . 15 . L 1
T bang bien thién trén suy ra |z — 3 + 3¢| dat gia tri nhé nhat khi b = 3 khi d6 a = 3
1 1
VayP:—a+4b:——+4-—5 =17.
2 8
Chon dap an @ 0
Cau 483. Cho s6 phiic z = cos2a + (sina — cosa)i véi a € R. Gia tri 16n nhat cta |z| 1a
A. %. B. g C. V2. D. 2.
Loi giai.
Ta c6
2| = \/0052 2a + (sina — cos a)?

= V1-sin?2a+1—2sinacosa

= \/Z—Sin22a—sin2a

£ N . i . . 1 .z . 2, A 2 N 3
Dau bang xay ra khi va chi khi sin 2« = —3 Vay gia tri 16n nhat cia |z| 1a 3

Chon dap an O
Cau 484.
Cho sb phiic z ¢6 biéu dién hinh hoc la diém M & hinh vé bén. y
Khéng dinh nao sau day la ding? 1+
A z=3+ 2. B z2=-2-3i. _q 1 5 5
C.z=3-2i. D.z=-2+3i. % 0 % % 2
ol |
S, T .
M
Loi giai.
Diém M (3; —2) biéu dién s6 phiic z = 3 — 2i.
Chon dap an @ O
1
Cau 485. Gia st A=y =a+bi, a,b e R. Khi do
—1
1 -1 1 1
Ala=—;b=—. B.a=0b=—. C.a=—;b=0. D.a=b=—.
32 32 32 32 32
Loi giai.
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Taco (1—i)2=1—2i+i2=-2= (1—i)*=4= (1—i)=16.

Khi do
I T B
(1—14)° 16(1—14) 32 °
1
Vaya=0= —.
Chon dép an (D) O
Cau 486. S6 phiic z ¢6 phan 4o 16n nhat thod man [z —1 -4 =1 1a
A 2=2+%. B z=1+2. C. z=2. D z=-1+ 3.

Loi giai.

Gia st z =z + yi, z,y € R, theo bai ra ta ¢
(z—=1D)+@y—-1il=1(x-1)P2+@y-1)>=1.
Ma(z—1)2>0nén (y—12?<1e-1<y—-1<10<y<2.
Vay phan 4o clia z ¢6 gia tri 16n nhat bang 2.
Dau bang x4y ra khi # = 1;y = 2, hay z = 1 + 2i.
Chondépén O

Cau 487. Goi (O) 1a tap hop cac diém trén mat phéng biéu dién s6 phitc z = x +yi, x,y € R thod
man |z — 1| = 1 va N la diém biéu dién s6 phitc 2o = 1 — . Tim diém M thudc (C) sao cho M N c6
do dai 16n nhat
1 V3
A M(1;1). B. M <§§) C. M(1;0). D. M(0;0).
Loi giai.
Taco|z—1| =1« (z — 1) +5? =1 nén tap hgp diem (C) bicu dién

s6 phiic z la duong tron tam 7(1;0), ban kinh R = 1. M
Diém N ¢6 toa do 1a N(1;—1) ciing thuoe (C) nén MN c6 do dai lén m .
nhat khi M N la dudng kinh ctia duong tron (C) hay I 1 trung diém O I?
cia M N nén toa do M la M(1;1). w
N
Chon dap an @ 0

Cau 488. Cho s6 phiic z ¢6 diém bicu dién trong mat phang toa do la diem M (2; —1). Mo-dun clia
sO phiic z bang

A. 3. B. V3. C. V5. D. 5.
Loi giai.
Tt gia thiét suy ra 2 =2 — i, |z| = /22 + (—=1)2 = /5.
Chon dap an (C) O

Cau 489. Ki hiéu z, 2, 1& cidc nghiém phiic clia phuong trinh 222 — 32 + 7 = 0. Tinh gia tri cla

S = 21+ 29 — Z1%0.

A S=2 B. §=-2. C. S=5. D. S =-5.
Loi giai.
: PR , 3 7
Theo dinh ly Vi-ét ta ¢c6 S = 3 3= —2.
Chon dap an O
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Cau 490. C6 bao nhiéu sb phiic z thod méan |z — 2i| = v/5 ¢6 diém biéu dién trong mit phing toa
do thuoc duong thang A : 3z —y+ 1 = 0?

A. 2. B. 1. C. 0. D. Vo sb.
Loi giai.
Tap hop biéu dién s6 phtic z 1a duong tron tam 7(0;2) va ban kinh R = /5. Khoang céch tit I dén
Alad= 1 < R nén dudng thang A cit duong tron tai 2 diém phan biet. Tt d6 suy ra c¢6 2 s6

V10

phiic thod man yéu cau bai toan.

Chon dap &n (A) O
Cau 491. Xét s6 phiic 2z thod man |z + 1 —i| + |2 — 3 +i| = 6. Tim gia tri nhé nhat ctia biéu thitc
P =|z+1+4i|.

A. 3. B. 2+2. C. 5. D. 5— 2.
Loi giai.
Ta nhan thay tap hgp diém M bicu dién s6 phiic z thod mén I

|24+ 1—1i| 4+ |z —3+1i| = 6 chinh 1a duong elip (F) c¢6 do dai truc
16n bang 2a = 6, truc nhé bang 2b = 4 v6i A(—1;1) va B(3;—1) la
hai dinh trén truc l6n. M

Xét diém I(—1;4) ndm ngoai elip (£) va I nim trén dudng trung

truc cua doan AB.

Ta cé P = |z+ 1+ 4i| = MI véi moi diem M € (E). Tit dé suy ra 4 19) B
gia tri nho nhat ctia P bang d(I, AB) —b=5—-2=3. U

Chon dap an @ O

Cau 492. Cho sb phiic z, biét ring cac diém biéu dién hinh hoc ctia céc s6 phiic 2;iz va z + iz tao
thanh mot tam gidc c6 dién tich bang 18. Tinh mé-dun ciia s6 phiic z.

A. 2V/3. B. 3v2. C. 6. D. 9.
Lo gii.
Gia st z = a + bi, v6i a, b 1a s6 thye. Goi M, N, P lan lugt 1a diém biéu dién s6 phiic z,iz va z + iz.
Khi d6 M(a;b); N(=b;a); P(a — b;a +b).
Suy ra MN = /2 (a2 +b%); NP = PM = v/a® + b2.
Suy ra tam giac M N P vudng can tai P.
TacéSAMNp:18<:)%-NP-PM:184:)CL2+I)2:36<:)|z|=\/m:(i
Chon dap an (C) O

Cau 493. Cho s6 phiic z = a+bi (v6i a, b1a s6 nguyen) théa man (1—3¢)z 1a s6 thyc va [z — 2 + 51| =
1. Khi d6 a + b bang
A 9. B. 8. C. 7. D. 6.
Léi gii.
Taco (1—3i)z=(a+3b)+ (b—3a)i,Zz—2+5i = (a—2) + (5—b)i.
Theo bai ra ta ¢6 hé phuong trinh

b—3a=0 b=3a 7 a=2
& & a = — (loai) =
(a=2°+(B-b*=1 5a> —17a+14 =0 5 b= 6.
2
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Vay a + b= 8.
Chon dép an (B) O
Cau 494. Cho cac s6 phiic z thda man |z — 1] = 2. Biét rang tap hop cac diém bicu dién cac s6
phiic w = (1 + \/32) z 4 2 1a mot duong tron. Tinh ban kinh R cta dudng tron dé.

A. R=4. B. R = 16. C. R=38. D. R=2.
Loi giai.

Ta cb

w—2=(1+3i)z

o w — 2 B
1+ /3i
2
PR =21

14+ +/3i
— 3 —/3i
14 /3
& |lw—3=v3i|=|z—1]-]1+V3i =4.

= =z =1

Twu do6 suy ra ban kinh R = 4.
Chon dap an @ O

Cau 495. Trong mit phing phiic, xét s6 phitc z va s6 phiic lien hop ctia né c6 diém biéu dién 1a
M, M'; s6 phiic z(4 + 3i) va s6 phiic lién hgp ctia n6 c¢6 diém biéu dién lan lugt 1a N, N'. Biét rang
M, M’ {V, N’ 1a bén dinh clia hi;lh chit nhat. Tim gi4 tri ghé nhat cta |z + 41 — 5|4.

A. E B. E C. \/ﬁ D. \/—1_3
Lo giai.
bat z = a + bi. Khi d6 z(4 + 3i) = 4a — 3b + (3a + 4b)i va
M (a;b); M'(a; —b), N(4a — 3b; 3a + 4b), N'(4a — 3b; —3a — 4b). b
MN = (3a — 3b;3a + 3b).
Theo tinh chat déi xing thi M NN’M’ 1a hinh thang can. Do
d6 dé MNN'M’ 1a hinh chit nhat thi MN cung phuong véi 3a + 4b
truc Ox hay 3a+3b=0< b= —a.

Ta c6
|z +4i—5| = \/(a—5)2+(b+4)2 —da—db
= V(@ =52+ (—a+4)? = V2dZ — 18a + 41
9)2 b
- \/( ~3) T3
> —.
- \/5
A N 2 . N 2 . 9 9 9
Dau bang xay ra khi va chi khlazéhayz:§—§z.
D . 1 9 9
Vay gia tri nhé nhat cua |z 4+ 4i — 5| béngﬁkhi va chi khiz:i—iz'.
Chondépén@ O
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Cau 496. Cho s6 phiic z vd w théa man z + w = 3+ 4i va |z — w| = 9. Tim gi4 tri 16n nhat cta
biéu thic T = |z| + |w|.

A. maxT = /176. B. maxT = 14. C. maxT = 4. D. maxT = V106.
Loi giai.
Diat z=a+bi (a,b € R); w=c+di (¢,d € R).
Ta co

|z +w|=1[3+4i| =5
& |(a+bi)+ (c+di)| =5
l(a+c)+ (b+d)i|=5
& (a+c)+ (b+d)? =25

3

|z—w| =9
& |la+bi)—(c+di)|=9
(a—c)+ (b—d)i|=9
& (a—c)*+ (b—d)* =38l

¢

Ta ¢6 hé phuong trinh
(a+c)*+ (b+d)? =25
(a—¢c)?+ (b—d)* =81
a’+2ac+ A+ b +2bd+ d* =25
=
a’> — 2ac+ & +b* — 2bd + d* = 81
= a4+ +3E+d* =53
Theo bat dang thiic B.C.S ta c6
2]+ fwll = |1 V@5 T +1- VT | < /(124 12) (a2 + 1 + &+ d2) = V106,

21 47 5L 7 .
V6i z = ot 1—Oi, w=15" EZ luén théa man gia thiét va |z| + Jw| = v/106.
Vay max (|z| + |w|) = v/106.
Chon dap an @ O
R . . 1414)3i
Cau 497. Tim phan ao cua so phtc z, bict z = w
— 1
A. 3. B. -3. C. 0. D. —1.
Loi giai.
1414)3i  3(—1+: R .
Tacéz—(1+l),l— (1 fz):—3:>2:—3—1—02'.Vayphanéocﬁaibéngo.
—1 —1
Chon déap an @ OJ

Cau 498. Cho sb phtic z thdéa man |z — 1 — 2i| = 5 va M (x;y) 1a diém biéu dién ciia s6 phiic 2.
Diém M thudc duong tron c6 phuong trinh nio sau day?

A (z+1)*+ (y+2)* = 25. B. (x —1)*+ (y — 2)*> = 25.
C. (z+1)*+ (y+2)*=5. D. (z—-12%+(y—22=5
Loi giai.

Vi M(z;y) la diém bicu dién clia s6 phiic z nén z = x + yi. Ta c6
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lz—1-2i=5& jz—1+(y—2)i|=5 < (x—1)2+ (y — 2)? = 25.

Chon dap an O
Cau 499. Cho s6 phiic z c6 diém biéu dién 1a M (z;y) va thda man |z — 2 + 3i| = |z — 2 — 3i|. Biét
|z — 1 —2i| + |2z — 7+ 4i| = 64/2, khi d6 = thuoc khoang
A. (0;2). B. (1;3). C. (4;8). D. (2;4).
Loi giai.
Ta co
|2 —2+3i=]2—-2-3i] & |z—2+(y+3)i|=|r—2+ (y—3)i|
& (@-2P+W+3)=(r-2"+(y—3)
& y=0.

Mat khéc, goi A(1;2), B(7;—4) = AB = 6v/2. Ta c6
|2 —1—2i|+ |2 —7+4i|= MA+ MB < AB = 6V2.

Dau “=" x4y ra khi M nam trén doan AB. Khi do,

W= W

. z—1=6k z
AM = kAB, véi k € [0;1] = s
0—2=—6k

=~
I

Chon dap an @ O

2 . - 2 ]~ N 1 < L Pe

Cau 500. Trong mat phang phiic, xét hinh binh hanh tao béi cac diem 0, z, — va z + —. Biet z ¢6
z z

2

. . 35 . 1
phan thyc duong va dién tich hinh binh hanh bang 37 Tim gia tri nho nhat ctaa |z + —| .
z
53 60 22 50
A —. B. —. C. —. D. —.
20 37 9 27
Loi giai.
N 2 i ~ 7z 1 1
Goi O, A, B, C lan lugt 1a cac diem biéu dién cua so phic 0,2z, —, z + —. Yy
z z
Khi d6, dién tich hinh binh hanh OACB la 4
1 35 35
S=0A-OBsina=|z|-|-|siha=— & sina=—.
sina = |z| ‘z sina = o sina = o C
S — V1 —sinfa = 42
uy ra, cos o = —sin‘o=*. 0 "
B

Ap dung dinh 1y co-sin trong tam giac OAC, ta c6

2

1
24+ = =0C?*=0A*4+0OB? -20A-OBcosa
z
, |1 1
=|zI"+|-| —2|z||=|cosa >2—2cosa.
z z
) 12 17 12 50
—Néucosozzﬁthi Z+; 22—2§:§
) 1 12 12 98
— Né = —— thi — =224+2 —=—.
€u cos o 37 1z—i—Z + 37 37
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1|7 .. 50 12
Suy ra, |z + 2 nhé nhat bang 37 khi |z| =1 va cosa = I7
Chon dép an (D) O
Cau 501. Tim s6 phtic z théa man |z — 3] = |z — 1| va (2 + 2)(Z — i) 1a s6 thuec.
A z=2. B. z=-2+2i. C.z2=2—2. D. Khong ¢6 z.
Lo giai.

Gia st z = a + bi, khi d6 ta co

|z —3| = |z — 1] |z =3 = |z — 1
Im[(z + 2)(Z — )]

1I

Im[(z + 2)( z—z)]—()
(@ +bi) — 3|* = |a+bi — 1)?

(3

Im[(a + bi +2)(a + bi — )] =0

"
{ 2 2
{|<a+bz 3P =la—1+bi
U
M

¢

Im[(a +2+bi)(a— (b+1)i)] =0

(@—32+b2 = (a—1)2 4 V2

Im[((a+2)a+bb+1))—i((a+2)(b+1)—ab)] =0

a>—6a+9=0a*—2a+1 {a:2
54

(3

¢

a+20+2=0 b=—

Vay z =a+bi =2 — 2i.

Chon dap an @ O
Cau 502. Cho sb phtic z théa man z (1 + ) + 12 = 3. Tim phan o ctia s6 Z.
1 1 1
- B - =) D 2
2 2 2 2
Loi gii.
3— 12 9 15 9 15 15
z = — = ————i=>ZzZ=——+ —i.Phandoclaz la —.
141 2 2 2 2 2
Chon dap an @ 0

Cau 503. Trong tap céc s phitic, cho phuong trinh 22 — 4z + (m — 2)? = 0,m € R (1). Goi myg 1
mot gid tri ctia m dé phuong trinh (1) ¢6 hai nghiém phan biét 21, 2o thda man |z | = |2,|. Héi trong
doan [0;2018] ¢6 bao nhiéu gia tri nguyén cua mg?

A. 2019. B. 2015. C. 2014. D. 2018.
Loi giai.
AN =4—(m—2)*=4m—m?
Néu A’ > 0 < 0 < m < 4 thi phuong trinh (1) ludn ¢6 2 nghiem thuc phan biét zq, 2o.

21 = %9 N
Khi do6 |z1| = || (Dieu nay khong xay ra).
Z1 :—22<:>Zl+22:0.
, m > 4 | |
Néu A’ <0< thi phuong trinh (1) luoén c¢6 2 nghiém phic phan biét zy, 2s.
m < 0

271 =2+vVm?2—4m.a va 29 =2 — /m?2 —4dm.i
= |21| = |2| = V4+m2 —4dm = |m —2|.

m >4 N
Vay { thi phuong trinh (1) ¢6 2 nghiém phan biét 21, zo théa man dieu kién bai toan.
m <0
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Két hop diéu kién suy ra 4 < m < 2018, suy ra c6 2014 s6 my nguyén théa man yéu cau bai toan.
Chon déap an @ OJ

Cau 504. Goi S la tap hop cac s6 thic m sao cho véi mdi m € S ¢6 ding mot s6 phiic thdéa man

|z —m|=4va 14 s6 thuan 4o. Tinh tong clia cic phan ti clia tap S.

P

A 0. B. 12. C.6. D. 14.

Lo giai.

Gia st 2 = a + bi (a,b € R), 2 # 6. M(a;b) la diém biéu dién 2. Khi d6 ta c6
= a+bi (a+bi)(a—6—-bi)  ala—6)+0b*+i(b(a—6) —ab)
z—6 (a+bi)—6 (a—6+0bi)(a—6—bi) (a —6)% + b2 ‘

.z P . ala—6)+b*=0 (1)

be 5 la s6 thuan ao thi ta phai co .

o

(a—6)°+b#0
Suy ra diém M thuoc duong tron tam I (3;0), ban kinh R = 3.
Ti|z—m| =4 |(a+bi)—m|=4< (a—m)*+ b =16 (2) suy ra diém M thudc dudng tron
tam I’ (m;0), ban kinh R = 4.
Dé c6 ding 1 diém M thoéa man thi 2 duong tron (I; R) va (I'; R') phai ¢6 1 diém chung duy nhat
(m =10
{H’:R+R’ {|m—3|:7 m = —4
= = .
II'=|R—R/| Im —3| =1 m =4

(m =2
Khi m = 10, m = 2 thi hai dudng tron tiép xtc tai diém(6;0), do vay cac trudng hop nay bi loai.
Vay tong cac phan tit ctia S 1a 4 — 4 = 0.

Chon dap an (A) O
Cau 505.

Diém nao trong hinh vé bén la diém biéu dién sb phitc z = —1 4 27?7 y
A. N. B. P. C. M. D. Q. A

Lo gidi.
Vi z = —1 + 2i nén diém biéu dién ctia s6 phiic 2 ¢6 toa do (—1;2).

Chon dap én (D) O

Cau 506. So phrc lien hop ciia s6 phiic z = 1 — 24 13
A1+ 2i. B. —1—2i. C. 2—1. D. -1+ 2i.
Loi giai.
S6 phtic lien hop clia z =1 — 27 1a 1 + 24.
Chon dap an @ O

Cau 507. Tim s6 phtc lien hop ctia s6 phiic z = 4 — 3.
A zZ=—-4-23i. B. z=—-4+ 3. C.Z=4+ 3i. D. z =3+ 4.
Loi giai.
z=4—-—31=ZzZ=4+4 3.
Chon dap an @ O

Suu tam € bién soan Th.s Nguyén Chin Em 146 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 508. Diém nao trong cac diém duéi day biéu dién s6 phiic z = —1 4 ?
A. Q(0;—-1). B. M(-1;1). C. N(1;-1). D. P(—1;0).
Loi giai.

Diém biéu dién s6 phitc 2 = —1 +i 1a M(—1;1).
Chon dap an

Cau 509. S6 phtic z = —2i ¢6 phan thiyc va phan 4o lan lugt 1a
A —2val. B. —2iva 0. C. 0va —2. D. 0 va 2.
Loi giai.
S6 phiic z = —2i ¢6 phan thic bang 0 va phan 4o biang —2.
Chon dap an @

Cau 510. Diém biéu dién s6 phtic z = 1 — 2i trén mat phang Ozy cé toa do la
A. (1;-2). B. (—1;-2). C. (2;,-1). D. (2;1).
Lai giai.
Diém biéu dién s6 phiic z = 1 — 2i trén mit phang Ozy c6 toa do 1a (1; —2).
Chon déap an @

Cau 511. Cho s6 phtic z = —4 + 5i. Diém biéu dién ctia z ¢6 toa do
A. (—4;5). B. (—4;-5). C. (4;-5). D. (4;5).
Loi giai.
Diém biéu dién ctia s6 phiic z = a + bi 1a M(a;b).
Chon déap an @

Cau 512. S6 phiic lien hop ctia s6 phiic z = 3 + 2i 13
A . z=-3+2i. B.z=2-3i. C.z=-3-2. D.z=3-2i.
Loi giai.
S6 phiic lien hgp ctia s6 phitc z = a + bi 14 Z = a — bi, Va,b € R.
Chon dap an @

Cau 513. Mo-dun s6 phiic 2 = 4 — 3i bang
AT B. 5. C. 1. D. 25.
Loi giai.
Ta c6 |z| = |4 — 3i| = /42 + (—=3)2 = 5.
Chon déap an
Cau 514. Tinh mo-dun ctia s6 phiic z = 3 + 4i.
A. 3. B. 5. C. 7 D. V7.
Lai giai.
|z| = |3+ 4i] = v/9+ 16 = 5.
Chon dap an

Cau 515.
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Diém M trong hinh vé bén la diém biéu dién ctia s6 phiic nao trong cac sé y
phtic cho sau day? Mr ------ 3
A 3-2i B. -2+ 3i. |
C.2-3i D. 3+ 2i.
|
) 0z
Loi giéi.
Diém M (—2;3) la diém biéu dién ctia s6 phiic z = —2 + 3i.
Chon dap an O
Cau 516. Phan thyc va phan 4o ctia s6 phitc z = 1 + 24 lan luot 1a
A 2val. B. 1 va 2:. C. 1va2. D. 1vazq.
Loi giai.
S6 phiic z = 1 + 2i ¢6 phan thyc va phan o lan luot 1a 1 va 2.
Chon dép an (C) O
Cau 517. S6 phic lién hop Z ctia s6 phitc 2 = 2 — 3i 1a
A Z=2+ 3. B. z=3-—2. C.z=3+42i. D.z=-2+ 3.
Loi giai.
S6 phtic lien hop clia s6 phitc z = 2 — 3i 1a z = 2 + 3i.
Chon dap an @ O
Cau 518. S6 phiic duge biéu dién bdi diém M (2; —1) 1a
A 241 B. 1+ 2. C. 2—1. D. -1+ 2.
Loi giai.
S6 phiic c6 diém biéu dién bdi M (2; —1) trén mit phang toa do la 2 — .
Chon dap an @ O
Cau 519. S6 phrc lién hop ctia z = a + bi 1a
A . Z=—a+ b B. Z=0—ai. C.z=—-a— . D. zZ=a - bi.
Loi giai.
S6 phiic lien hop clia z = a + bi 14 Z = a — bi.
Chon dap an @ O
Cau 520. Cho hai s6 phiic z; va 2, théa man |z | = |z| = 1; |21 + 2| = V3. Tinh |z, — 2.
A. 0. B. 2. C. 1. D. 3.
Loi giai.

Gia st M, N lan luot 1a diém biéu dién ctia s6 phiic 2z, 2o.

Theo bai ra ta c6 OM = ON =1 va |5]\7+5ﬁ|:\/§

Do d6 3 = |OM + ON|? = OM? + ON? +20M -ON = 20M -ON =3 —1—1=1.
Ta 6 |2 — | = [OM — ON| = 1/ (OM ~ ON)" = VJOM? + ON? —20M -ON = 1.

Chon dép an (C) O
Cau 521. Phan 4o ctia s6 phiic z = 3 — 4i bang

A. —4. B. —4i. C. 4. D. 4i.
Loi giai.

Phan 4o clia s6 phiic z = 3 — 4¢ bang —4.

Suu tam € bién soan Th.s Nguyén Chin Em 148 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Chon dap an @ O

Cau 522. Khéng dinh nao sau day 13 khang dinh sai?
A. Mo-dun ciia s6 phtic z 1a mot s6 am.
B. Mo-dun ciia s6 phiic z 1a mot s6 thuc.
C. Mo-dun ciia sb phitc z = a + bi 1a |z| = va® + b2.

D. Mb6-dun ciia s6 phiic z 1a mot s6 thie khong am.

Lai giai.
Tacé z = a+bi (v6i a,b € R) & |2| = Va2 + b2
{MGRCC
Doa,b e R =
|z| > 0.
Chon dap an (A) O
Cau 523. Cho sb phiic z = 5 — 44. S6 phiic déi ctia z c6 toa do diém biéu dién 13
A. (—5;4). B. (5;—4). C. (—5;—4). D. (5;4).
Lai giai.

Tacoz=5—-41 < —z= -5+ 4.

Vay toa do diém biéu dién ctia —z 1a (—5;4).

Chon dap an @ O
Cau 524.
Diém M trong hinh vé bén la diém biéu dién s6 phic y

A z=-2+i B.z=1-2i. C.z=2+1. D. . z=1+2i

Mo 8
:2 0O T

Laoi giai.
Ta c6 M(—2;1) = 2= —2+1.
Chon dap an @ O
Cau 525. Phan 4o cta sb phiic z = 3 — 4i bang

A —4. B. —4i. C. 4. D. 4.
Loi giai.
Phan 4o clia s6 phtic z = 3 — 47 bang —4. N6 1a hé s6 ctia i trong dang dai s6 clia s6 phiic.
Chon dap an @ O
Cau 526.
Diém M trong hinh vé bén la diém biéu dién ctia s6 phiic z. Tim phan thuyc y ;
va phan 4o ctia s6 phtic z. 0 i

A. Phan thuc 1a —4 va phan do 1 3. i

B. Phan thyc 1a 3 va phan 4o la —4i. i

C. Phan thue Ia 3 va phan &o 1a —4. i

D. Phin thuc I —4 va phin 4o 1a 3i. ) l

M

Loi giai.
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Ta c¢6 M(3; —4) nén diém M la diém biéu dién s6 phiic z = 3 — 4i.
Vay, s6 phiic z c6 phan thuec 1a 3 va phan do 14 —4.
Chon dép &n (C) O

Cau 527.

Diém M trong hinh vé bén 1a diém biéu dién ciia s6 phiic z. Tim phan thuec y

A. Phan thyc 14 —4 va phan 4o 1a 3. o
B. Phan thyc 1a 3 va phan 4o la —4i.
C. Phan thuyc la 3 va phan 4o 1a —4.

va phan 4o ctia s6 phiic z. 3
D. Phan thyc 1a —4 va phan 4o 1a 3i. |
1

Loi giai.
Diém M trong hinh vé biéu dién cho sb phic z = 3 — 44.
Vay s6 phiic z ¢6 phan thic 1a 3 va phan 4o 1a —4.
Chon dép an (C) O
Cau 528. S6 phiic lien hop 7 ctia s6 phiic z = 2 — 3i 1a
A Z=3-2. B. Z=2+ 3i. C.z=3+2i. D.
Loi giai.
Ta ¢6 z = 2 + 3i.
Chon dap an O
Cau 529. Phan 4o ctia s6 phiic z = 2 — 3i 1a
A. —3i. B. 2. C. -3. D. 3.
Loi giai.

-2+ 3i.

|
Il

Phan 4o ciia s6 phiic z = 2 — 3i 14 —3.
Chon dap an @ [l

Cau 530. Tim s6 phiic liéen hop cta s6 phiic z = (3 +4)(m — 2i),m € R.
A Z=—-3Bm+2)+ (m—6)i. B (3m +2) 4+ (m —6)i.
C.zZ=—(3m+2) — (m—6)i. D (3m +2) — (m — 6)q.
Loi giai.
Ta c6 2 = (3+14)(m—2i) = (3m+2)+(m—6)i, do d6 s6 phitc lien hop ctia 2z 14 Z = (3m+2) — (m—6)i.
Chon déap an @ OJ

z
z

Cau 531. Cho s6 phtic z = —4 + 5i. Biéu dién hinh hoc ctia z 1a diém c6 toa do
A. (—4;5). B. (—4;-5). C. (4,-5). D. (4;5).
Loi giai.
Toa do biéu dién s phitc z = —4 + 5i 1a diém M (—4;5).
Chon dap an (A) O

Cau 532. Cho sb phiic z = 2 + 3i. Phan thuyc va phan 4o ctia s6 phitc z lan luogt 1a
A. 2 va 3. B. —2va -3. C. 2 va —3i. D. 2 va —3.
Loi giai.
Ta co z =2+ 3i = 7z = 2 — 3i. Vay phan thyc cia 7 13 2 va phan 4o ctia z 1a —3.
Chon dap an @ O
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Cau 533.
Diém M trong hinh vé la biéu dién hinh hoc ctia sé phiic nao dusi day? y
A z=1+2. B. 2=2+1. C.z=-142i. D.z=-1-—2. 9
0 L
I D l
M
Loi giai.
Theo hinh vé thi M(2; —1) nén diém M biéu dién cho s phitc z = 2 — .
Chon dap an @ O
Cau 534. S6 phiic lien hop clia s6 phiic z = 4 + 3i 13
A Z=-3+4i B. z=4-3i C.Z=3+4. D.z=3—4i

Loi giai.
V6i 2z = a + bi, (a,b € R) thi s6 phiic lién hop 1a zZ = a — bi.

Chon dap an O

Cau 535.
Diém M trong hinh vé bén la diém biéu dién ctia sé phiic z. Tim phan thuc, y
A. Phan thuc 1a —2, phin 40 lai.  B. Phan thuc 1 1, phin 4o la —2. 0 ‘

phan 4o clia sd phic 2z 1
C. Phan thyc 13 1, phan 4o 13 —2i.  D. Phan thuyc 14 —2, phan 4o 1a 1. i

Loi giai.
Vi M(1;—2) nén z = 1 — 2i. Vay phan thyc ctia z 13 1, phan 4o clia z 1a —2.
Chon dap an O

Cau 536. Cho s6 phitc z théa man zZ = 3 + 2i. Tim phan thuyc va phan 4o ctia sé phiic 2.

A. Phan thyc bang 3, phan 4o bang 2. B. Phan thyc bang —3, phan 4o bang 2.

C. Phan thyc bing 3, phan 4o bang —2. D. Phan thyc bang —3, phan 4o bang —2.
Loi giai.
Ta c¢6 2z = 3 — 2i, suy ra phan thic cia z bang 3, phan 4o cia 2z bang —2.
Chon dép an (C) O
Cau 537.
Diém M trong hinh bén la diém biéu dién ctia s6 phiic z. Ménh dé nao sau y
day dang?

0]

A. S6 phiic z ¢6 phan thuc la 3 va phan 4o 1a —4.
B. S6 phiic z ¢6 phan thiyc la 3 va phan 4o 1a —4i.
C. S6 phtic z c6 phan thuc la —4 va phan 4o 1a 3.
D. S6 phiic z ¢6 phan thic 14 —4 va phan 4o 1a 3i.

Loi giai.
S6 phiic z ¢6 phan thuc 1a 3 va phan do 1a —4.
Chon dap an (A) O

Cau 538. Diém M biéu dién s6 phtic z = 3 + 2i trong mat phing toa do phc la
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A. M(2;3). B. M(-3;-2). C. M(3;2). D. M(3;-2).
Loi giai.
S6 phiic z = 3 + 2i ¢6 diém biéu dién 1a M(3;2).
Chon dap an @ O
Cau 539. Cho s6 phtic z = —12 + 5i. Mo-dun ctia s6 phiic z bang
A. 13. B. 119. C. 17. D. —7.
Loi giai.

2] = 1/(—12)2 4+ 52 = 13.

Chon dap an @ 0
Cau 540.

Diém M trong hinh vé bén la diém biéu dién ctia s6 phiic z. Tim phan Yy

thuc va phan 4o ctia s6 phiic z. o >

A. Phan thyc 1a 3 va phan 4o 1a —4.
B. Phan thyc la —4 va phan 3o 13 3i.
C. Phan thuyc 1a —4 va phan 4o 1a 3.
D. Phan thyc 1& 3 va phan 4o 1a —4i.

B o
M

Lo giai.
Theo hinh vé ta thay z = 3 — 4i nén phan thyc 1a 3 va phan 4o 1a —4.
Chon dap an (A) O
Cau 541. Cho s6 phiic z = 6 + 7i. S6 phtic lien hgp clia z ¢6 diém biéu dién la diém nao sau
day?

A. M(6;=T). B. N(-6;7). C. P(—6;-7). D. Q(6;7).
Lo giai.
S6 phtic lien hop ctia z 14 Z = 6 — 7i nén dugce biéu dién bdi M (6; —7).
Chon dap an @ O
Cau 542. Biét M (1;—2) la diém biéu dién s6 phiic Z, s6 phtic z bing

A 241 B. 1+ 2. C. 2—q. D. 1-—2i.
Loi giai.

Vi M(1;—2) la diém biéu dién ctia s6 phiic Z nén z = 1 — 24. Tit d6 suy ra z = 1 + 2i.
Chon dap an O

Cau 543. Cho sb phiic z ¢6 diém biéu dién trong mat phang toa do Ozy la diéem M (3; —5). Xac
dinh s6 phtic lién hop Z clia 2.
A.zZ=-5+ 3. B. z=5+ 3. C. z=3+ 5. D.z=3- 5.
Lo gii.
Vi 86 phitc z ¢6 diém biéu dién trong mat phéng toa do Oxy la diém M (3; —5) nén z = 3 — 5.
Do d6 sb phtc lien hogp ciia s6 phiic z 1a 7 = 3 + 5i.
Chon dap an @ O

Cau 544. C6 bao nhiéu s6 phic z ¢6 phan thuc bang 2 va |z + 1 — 2i| = 37

Swu tam € bién soan Th.s Nguyén Chin Em 152 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

A. 3. B. 0. C. 2 D. 1.
Loi giai.
Goi s6 phiic 2z ¢6 phan thuyc bang 2 1a 2 = 2 + bi v6i b € R.
Dolz41-2i=369+(b-2°=9a(b—2°=0cb=2 Vay » =2+ 2i.

Chon dap an @ O
Cau 545. Cho s6 phiic z = 2 — 3i. S6 phiic lién hgp ctia s6 phiic z 1a

A z=3-22. B. z=3+2i. C.z=-2-3i. D. z=2+ 3.
Loi giai.
S6 phic lién hgp ctia s6 phitc z =2 — 3i 1a 2 = 2 + 3i.
Chon dép an (D) O
Cau 546. Tim hai s6 thuc x, y théa man (3x + 2yi) + (3 — i) = 4z — 37, v6i ¢ 1a don vi do.

Alz=3 y=-1. B.x:;y:—l. C.zx=3 y=-3 D.z=-3 y=-1
Loi giai.

) , , ) {Bx +3 =4 {x =3
Ta c6 (3x +2yi) + (3 —1i) =4z — 3i & &
2y—1=-3 y=—1.

Chon dap an @ O
Cau 547. Trong mit phang phic, diém biéu dién sb6 phic z = 3 — 2i 1a

A. M (3;-2). B. N (2;-3). C. P(—2;3). D. Q(-3;2).
Loi giai.
S6 phtic z = 3—2i ¢6 phan thic va phan 4o lan lugt 13 3 va —2 nén z c6 diém biéu dién 1a M (3; —2).
Chon dap an @ O
Cau 548. Diém biéu thi s6 phiic z = 3 — 27 1a

A. M(3;-2). B. N(—2;3). C. P(2;3). D. Q(3;2).
Loi giai.
Diém biéu thi s6 phiic z = 3 — 2i la diém M (3; —2).
Chon dap an @ 0
Cau 549. Tim s6 phtec lien hop ctia s6 phiic z = 1 — 2i.

A zZ=1+2. B.z=2—1. C.zZ=-1+2i. D zZ=-1-2i
Loi giai.

S6 phtic lien hop ctia s6 phitc z =1 —2i laz =1 + 2i.
Chon dap an @ O
Cau 550. Tim cac s6 thyc x, y thoa man (3z —2) + 2y + 1)i = (z + 1) — (y — 5)i, v6i ¢ 1a don vi

2
ao.

3 3 4 4 3 4
Az 2,y 2. B. .z 2,y 3 C.zx=1y 3 D.z 2,y 3
Loi giai.
Ta c6
3
. . Jr—2=x+1 =3
Br—2)+2u+1)i=(zr+1)—(y—5)i & & 1
2y+1=—(y—5H) y=-.
3
3 4
Vay x 5 Y= 3
ChQﬂdépéﬂ@ O
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Cau 551. Tim ménh dé sai trong cdc ménh dé sau.
A. S6 phiic z = a + bi ¢6 mo-dun 1a Va2 + b2
B. S6 phiic z = a + bi ¢6 s6 dbi 2/ = a — bi.
a=0
b=0
D. S6 phiic z = a + bi duge biéu dién béi diém M (a;b) trong mat phang phiic Ozy.

C. Séphfl’cz:a+bi:0khivéchikhi{

Loi gii.
S6 phiic z = a + bi c6 s6 dbi 2’ = —a — bi.
Chon dép an (B) O

Cau 552. Diém nao sau day la diém biéu dién ciia s6 phitc z = 3 — 447

A. M(3;4). B. M(—3;4). C. M(3;—4). D. M(-3;—4).
Lo giai.
Diém bicu dién ctia s6 phiic z = 3 — 4i 1a diém c6 toa do (3; —4).
Chon dép &n (C) O
Cau 553. Tim cac s6 thuc z,y théa man 3z +y + 5xi = 2y — 1 + (z — y)i v6i ¢ 1a don vi do.
1 4 2 4 1 4 1 4
Az=Ziy==2 B.o=-2y==. Coao=--jy==.  D.oao=-jy=—-.
T 7731 7 T 7731 7 z 77y 7 z 771/ 7
Lo giai.
Ta c6 dang thic da cho tuong duong véi
1
Jr+y=2y—1 3r—y=—1 T="5
~ ~ 4
L =2 —Y dr+y=0 y=—
2
Chon dap an @ O

Cau 554. Goi M va M’ lan luot 1a cac diém biéu dién cho céc s6 phitc z va Z. Xac dinh meénh dé
ding.

A. M va M’ d6i xiing v6i nhau qua truc hoanh.

B. M va M’ déi xiing v6i nhau qua truc tung.

C. M va M’ déi xting v6i nhau qua goc toa do.

D. Ba diém O, M, M’ thing hang.

Lo gidi.
Viét 2 = a+bi = Z=a — bi, véi a,b € R. Y
Suy ra cic diem biéu dién cho cdc s6 phtic z va z lan lugt 1a M (a;b) va N M
M'(a; —b). |
Vay M va M’ d6i xting véi nhau qua truc hoanh. o i @

N I )
Chon dap an @ O

Cau 555. Trong hinh vé bén, diém P bién dién s6 phic z;, diem @ biéu dién sé phiic z,. Tim sb

phic z = 21 + 257
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A1+ 3. B. -3+ C. -1+ 2. D. 2 +:. Y

Loi giai.
Nhin vao hinh vé trén ta thay z; = —1+ 21, 20 = 2+ 4. Khi d6 2; + 2 = 1 + 3i.
Chon dap an @ O
Cau 556. So phiic lien hop ctia s6 phiic 2 = 2 + 17 1a
A z=2—1. B.z=2+i. C.zZ=-2+1. D.z=-2—i.
Loi giai.

S6 phiic 2 = x + yi (v6i z,y € R) thi s6 phiic lien hop cia z 1a z = x — yi.
Do d6 s6 phtec lien hop cia 2 +1i 1a 2 — 4.
Chon dap an (A) O

Cau 557. Goi A, B lan lugt 1a cac diém biéu dién cho hai s6 phitc 21 = 144 va 20 = 1 — 3i. Goi M
la trung diém ctia AB. Khi d6 M biéu dién cho sé phiic nao sau day?

A —i. B. 2— 2. C. 1+ D.1—q.
Loi giai.
Ta c6 A(1;1), B(1; —3) = toa do ctia M 1a M (1;—1) = M biéu dién cho 2z = 1 — i.
Chon dap an @ [l
Cau 558. Trong cac khang dinh sau, khang dinh nao sai?
A. |z| 1a mot s6 khong am. B. |z| 1a mot s6 thuc.
C. |z| 1a mot s6 phic. D. |z| 1a mot s6 thue duong.
Loi giai.
V6i 2 =040 co |2| =0.
Chon dap an @ 0
Cau 559.
Cho sb phtic z ¢6 biéu dién hinh hoc 14 diém M & hinh vé bén. Khang dinh nao Yy
sau day la ding? OT ? v
A z=-3-2. B.z=3+2. C.z=3-2. D.z=-3+2i. |
DY B o
Loi giai.
T hinh vé ta ¢6 2 = 3 — 2¢ nén suy ra z = 3 + 2i.
Chon dap an O
Cau 560. Cho s6 phtic z = —3 + 4i. Mo-dun ctia z 1a
Azl =T. B. |z| = 4. C. |z| =5. D. |z| =3.
Loi giai.
Ta c6 mo-dun ciia z 1a |z| = \/(=3)% + 42 = 5.
Chon dap an @ O
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Cau 561. Cho sb phiic z = —1 + 24. S6 phitc Z dude biéu dién béi diém nao dudi day tren miit
phang toa do?
A Q(—1;-2). B. P(1;2). C. N(1;-2). D. M(-1;2).
Loi giai.
Ta ¢6 Z = —1 — 2i, nén diem biéu dién cho s6 phtic z 1a Q(—1; —2).
Chon dap an @ O
Cau 562. S6 phiic nao sau day c6 diém biéu dién 1a M (1; —2)?
A1+ 2. B. 1-—2i. C. —2+1. D. —1—2i.
Loi giai.
S6 phiic z = 1 — 2i ¢6 diém biéu dién 1a M(1; —2).
Chon dap an O
Cau 563. Phan thuyc va phan 4o ctia s6 phiic z = 1 + 2¢ lan luct 1a
A.1va2. B. 1 vai. C. 1va 2i. D. 2val.
Loi giai.

Phan thyc va phan 4o clia s6 phitc 2 = 1 + 2i lan lugt 1a 1 va 2.
Chon déap an @ OJ

Cau 564. Cho s6 phtic z = 10 — 2i. Tim phan thiyic va phan 4o clia s6 phiic Z.
A. Phan thuyc bang 10 va phan 4o bing 2. B. Phan thyc bang 10 va phan 4o bing 2i.
C. Phan thyc bang —10 v& phan 4o bang —2i. D. Phan thyc bang —10 v& phan 4o bang —2.
Loi giai.
Z =10 + 2i nén z c¢6 phan thiic bang 10 va phan 4o bang 2.
Chon dap an @ O

Cau 565. Trong mit phing Oxy, goi A, B, C lan luct la cac diém biéu dién sb6 phic 2 = —3i,
29 = 2 — 2, 23 = —5 —i. Goi G la trong tam clia tam gidc ABC. Khi d6 diém G biéu dién sb
phtc

A z2=2—1. B. z2=1-2i. C z=-1-—2. D z=-1-—i.
Ldi giai.
Ta c6: A(0; —3); B(2;—2); C(—5;—1).
Goi G la trong tam cia tam giac ABC = G(—1;—2).

Diém G biéu dién s6 phitc z = —1 — 2i.
Chon dép an (C) O
Cau 566. Toa do diém biéu dién sb phiic lien hop ctia s6 phiic z = 2 + 5i 1a

A. (2;-5). B. (2;5). C. (—2;-5). D. (=2;5).
Lo giai.
Ta c6 Z = 2 — 5i = M (2; —5) la diém bicu dién s6 phiic lien hgp ctia s6 phiic z.
Chon déap an @ OJ
Cau 567. Gia st a,b, 1a hai s6 thuc thdéa man 2a + (b — 3)i = 4 — 54 véi i 1a don vi do. Gia tri clia
a,b, bang

A.a=1,b=8. B.a=8b=8. C.a=2b=-2. D.a=-2,b=2
Lo giai.
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20 =4 a=2
Ta co & .
b—3=-5 b= -2

Chon dép &n (C) O
Cau 568. Sb phiic z = 5 — 8i ¢6 phan 4o 1a
A. 5. B. 8. C. 8. D. —8i.
Loi giai.
S6 phiic z = 5 — 8 ¢6 phan 4o la —8.
Chon déap an OJ
Cau 569. Tim phan 4o ctia s6 phiic z = 3 — 4.
A —4. B. 4. C. 3. D. -3.
Loi giai.
Phan 4o cla s6 phiic z = 3 — 4i 1a —4.
Chon dap an @ O
Cau 570. S6 phiic z théa man z = 5 — 8i ¢6 phan 4o 1a
A. -8 B. 8. C. 5. D. 8.
Loi gidi.
S6 phiic z = 5 — 81 ¢6 phan thyc 14 5 va phan 4o la —8.
Chon dap an @ OJ
Cau 571. Trong cac s6 phtic z; = —2i, 25 = 2 — i, 23 = 5i, 24 = 4 ¢6 bao nhiéu s6 thuan 40?
A 4. B. 1. C. 3. D. 2.
Loi giai.
S6 thuan 4o 1a s6 ¢6 dang z = bi (b € R).
Vay trong cac s6 phiic da cho c6 hai s6 thuan 4o 1a z; = —2i, z3 = 5i.
Chon dap an @ O
Cau 572. S6 phiic z ¢6 diém bicu dién A nhu hinh vé. Phan 4o ciia s6 phiic : - bang
— 1
5} 1 5! 1
A Zi B. -i. c - D. -.
1! 1 1 1 Y Y,
31----- .
i x
O 2
Loi giai.
. z 2+3t o5 1
Vi diem A = (2;3) né =2+ 31. Do do6 = = -+ —1i.
i diem (2;3) nén z + 3i Oloz—i 2 4—1—42
Vay phan 4o ctia s6 phiic S bang 1
z2—1
Chon dép an (D) O
Cau 573. Mo-dun ctia s6 phic w = 2 — v/5i 1a
A |w| =+29. B. |w| = 1. C. |w| = V7. D. |w| = 3.
Loi giai.
Ta c6 |w| = /22 + (—v/5)2 = V9 = 3.
Chon dap an @ O
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Cau 574. S6 phic lien hop ciia s6 phiic z = 2 — 37 1

A Z=3+2. B. z2=3-2i. C.z=2+3i. D.Z=-2+3i.
Loi giai.
S6 phiic lien hop ctia s6 phitc z = 2 — 3i 1a z = 2 + 3i.
Chon dap an @ ([l
Cau 575. Trong mat phing Oxy, diém nao sau day biéu dién s6 phitc z = 2 + i?
A. M(2;0). B. N(2;1). C. N(2;-1). D. N(1;2).
Loi giai.
Trong mit phing Ozy, diém bicu dién s6 phiic z = 2+ 1a N(2;1).
Chon dap an O
Cau 576.
Diém M trong hinh vé bén biéu thi cho s6 phtic nao dudi day? Y
A.3+2i B. 2 3i. C. —2+3i. D.3—2i Mo 3
BORD )
Loi giai.
Diém M (—2;3) biéu dién cho s6 phitc z = —2 + 3i.
Chon dép an (C) O

Cau 577. Biét rang c6 duy nhat mot cap so thuc (z;y) théa man (z +y) + (z —y)i = 5+ 3i. Tinh
gia tri ctia S = = + 2y.
A §5=4. B. §=6. C. §=5. D. §=3.

Loi giai.
Ta c6

. . r+y=>5 =4

(x4+y)+(x—y)i=>5+3i< &
T—y = y=1.

Dod6 S=x+2y=4+2-1=6.

Chon dap an O

Cau 578. Trong mit phang toa do, diém bicu dién s6 phiic z = 2 — 3i 1a

A. (2:3). B. (2;-3). C. (=3;2). D. (3;2).
Loi giai.
Ta c6 diém A(2; —3) 1a diém biéu dién ctia s6 phitc z = 2 — 3i.
Chon dép an (B) O
Cau 579. Diém biéu dién s6 phrc lien hop ciia sé phiic z = 2 — 3i 1a
A. M(2;-3). B. M(2;3). C. M(-2;3). D. M(-2;-3).
Loi giai.
S6 phiic lién hop clia z = 2 — 3i 14 7 = 2 + 3i. Vay diém biéu dién s phitc z 1a M (2;3).
Chon dap an O
Cau 580. Mo-dun clia s6 phiic z = 4 — 3i bang
AT B. 25. C. 5. D. 1.
Loi giai.
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Ta c6 |z| = /42 + (—3)? = 5.

Chon dap an @ O
Cau 581. Phan 40 ctia s6 phtic z = —1 + 1 1&
A 1 B. —1. C. i D. —i.
Loi giai.
S6 phitc z = —1 44 viét lai ld 2 = —1 + 1 -7 nén c6 phan 4o 1a 1.
Chon dap an @ O

Cau 582. Trén mat phang toa do, tap hop tat ca cic diém bicu dién s6 phiic z théa man 1 < |z < 2
13 mot hinh phang c6 dién tich bing
A . B. 27. C. 4r. D. 37.
Loi giai.
Dit z = o + yi v6i , y 1a cac s6 thuc. Theo gid thiét, ta co

1<Val+y? <26 1< +y° <4

Goi (C1), (Cy) 1an lugt 1a dudng tron c¢6 phuong trinh 22 + y* = 1, 22 + y? = 4. Khi d6, (Cy), (Cy)
c6 tam O(0;0), ban kinh lan lugt 1a Ry =1 va Ry = 2.
Hinh phang can tim chinh 1a vanh khan giéi han bdi hai dusng tron (C;) va (Cy).

Goi S la dién tich vanh khan, suy ra

S=nR— 7R =47 — 7 = 37.

Chon dap an @ 0
Cau 583. Cho s6 phiic z = 3 — 5i. Phan 4o ctia z 1
A. 5. B. 3. C. —5. D. 5.
Loi giai.
Do z = 2 — 57 nén ¢6 phan 4o bang —5.
Chon déap an @ OJ
Cau 584.
Trén mit phéng toa do, sé phic z = 3 — 4i duge biéu dién béi diém Yy A
2 41-------- .
nao trong cac diem A, B, C', D? B , |
A.Diém D. B.Diém B. C.Diém A D. Diém C. ' i
:
i 0] | 2
S ——— -3 l
c l
4o 3
D
Loi giai.
Ta ¢6 z = 3 — 4i nén diém bieu dién sb phiic 2 1a D(3; —4).
Chon dap an @ O
Cau 585. S6 phiic z = 2 — 3i ¢6 diém biéu dién la
A. N(-3;2). B. P(3;2). C. M(2;-3). D. Q(2;3).
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L3i giai.
S6 phiic z = 2 — 3i ¢6 diém biéu dién 1a M(2; —3).
Chon dap an @ 0
Cau 586.
Diém nao trong hinh vé bén la diém biéu dién s6 phic z = 1 + 3i? y
A Q. B. P. C. M. D. N. 3p-1 M
Pl N
3 0[1 3=
sl
Lo giai.
Diém M(1;3) la diém biéu dién ctia s6 phiic z = 1 + 3.
Chon déap an @ OJ

Cau 587. Cho s6 phtic z = m+3+ (m?—1)i, véi m 1a tham s6 thuc thay ddi. Tap hop cac diém biéu
dién s6 phiic z thude duong cong (C). Tinh dién tich hinh phang gidi han béi (C) va truc hoanh.

8 4 1
A - B. -. C. -. D. Z.
3 3 3 3

Lai gidi.

Diém M (m + 3;m? — 1) la diém biéu dién s6 phitc z = m + 3 + (m? — 1)i.
Ditz=m+3;y=m?—1,tacdy = (v —3)? -1 =22~ 6x+8. Suy ra diem M thuoc dudng
(C): y=a*—6x+8.

Hoanh do giao diém ctia (C') va truc hoanh 1a nghiém ctia phuong trinh

r =2

2> —6r+8=0<
xr = 4.

Vay dién tich hinh phang giéi han béi (C') va truc hoanh la

4
4
S:/|x2—6x+8| dng.
2

Chon dép an (B) O
Cau 588. Cho sb phiic z = 2 — 3i. Diém biéu dién s6 phiic lien hop ciia z 1a
A. (2;-3). B. (2;3). C. (—2;-3). D. (—2;3).
Loi giai.
Tacoz=2—3i=2z=2+3i = M(2;3) la diém biéu dién s6 phiic lien hgp cia z.
Chon dap an O
Cau 589. Mo-dun clia s6 phitc z = 5 — 2i bang
A. V/29. B. 3. C. T D. 29.
Loi giai.
Ta c6 |2| = |5 — 2i| = /52 + (=2)% = V/29.
Chon dap an @ O
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Cau 590. S6 phtic z = 5 — 77 ¢6 s6 phtic lien hgp 1a
A Z=5+T. B. zZ=-5+Ti. C.z=7-bh. D.z=-5-"T.
Loi giai.
S6 phiic z = a + bi ¢6 s6 phic lien hop 14 7 = a — bi.
Chon dap an @ 0

Cau 591. Néu diém M (z;y) 1a diém bicu dién hinh hoc ctia s6 phiic z trong mit phang toa do Oxy
thod man OM = 4 thi

A |z| = éll B. |z| = 4. C. |z| = 16. D. |z] =2.
Loi giai.
Theo bai ta OM =4 = /22 + 2 =4 = |2| = 4.
Chon déap an OJ
Cau 592.
S6 phitc ndo dudi day c6 diém biéu dién trén mat phing toa do la diém M Yy
nhu hinh bén?

A 1—2. B. i+ 2. C.i—2. D. 1+ 2.

S
ol
M

Loi giai.
Vi M (1;—2) nén M la diém biéu dién ctia s6 phitc z = 1 — 2i.
Chon dap an (A) O

Cau 593. Tim cac s6 thuc a, b théa man (@ — 2b) + (a + b+ 4)i = (2a + b) + 2bi v6i ¢ 1a don vi

30.

Ala=-3,b=1. B.a=3b=-1. C.a=-30=—-1. D.a=3b=1.
Loi giai.
a—2b=2a+b a+3b=0 a= -3
Taco (a—20)+(a+b+4)i=(2a+0b) + 2bi & & &
a+b+4=2D a—b=—4 b=1
Chondépén@ O

Cau 594. Goi A, B, C, D lan luot la cac diém biéu dién céc sb phic 1424, 1 +v/3+i,1+ /3 — 1,
1 — 2 trén mat phang toa do. Biét ti gidc ABC'D noi tiép duge trong mot dudng tron, tam clia
dudng tron d6 biéu dién sé phiic c6 phan thuc 1a

A. V3. B. 2. C. V2. D. 1.
Lo giai.
Tac6 A(1;2), B(1++3;1), C (1+V3;—1), D (1;-2).
Khi d6 BA = <—\/§; 1), BD = <—\/§; —3) suy ra BA-BD=0= AABD vuong tai B.

CA = (—\/5; 3), CD = (—\/5; —1) suy ra CA-CD=0= AACD vuong tai C'.

Do dé tam duong tron ngoai tiép ti gidc ABCD la trung diém doan AD c6 toa do I (1;0).
Chon dap an @ O
Cau 595. Trong mat phéng toa do Oxy, goi M, N theo thi tu la cac diém bidu dién cho sb phitc z
va z (v6i z # 0). Ménh deé nao dudi day dang?

A. M va N déi xting nhau qua truc Oz.
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B. M va N dbi xting nhau qua truc Oy.
C. M va N déi xting nhau qua dudng phan giac clia goc phan tu thi nhat.
D. M va N déi xting nhau qua duong phan gidc clia géc phan tu thi .

Lo giai.
Goi M (a;b) 1a diém biéu dién ctia s6 phiic 2. y
Ta duge N(a; —b) 1a diém biéu dién ctia s6 phiic Z.
Ta thay M va N déi xting nhau qua truc Ox. b H”T M
0 | ;v
@,
—
Chon dap an @ O
Cau 596. Phan 4o ctia s6 phiic z = 5 + 2i bang
A. 5. B. 2i. C. 2 D. 5.
Lo giai.
S6 phiic z = 2i + 5 ¢6 phan thyc bang 5, phan 4o bang 2.
Chon dap an @ O
Cau 597. Diém nao trong hinh vé duéi day bicu dién s6 phiic lien hgp ctia s6 phiic z = 2 — 31?7
A M. y
B. P. st
P
C. N. 2T o
D. Q. 2 0
E ?2 3 T
Q = - M
Loi gidi.
Ta c6 Z = 2 + 3i = diém biéu dién ctia z 1a (2;3).
Chon dap an @ O
Cau 598. Cho s6 phiic z = a + bi vé6i a,b € R. Ménh dé nao sau day 1a sai?
A. S6 phiic z ¢6 phan thiec 1a a, phan 4o 1a bi. B. S6 phiic z ¢6 mo-dun 1a Va2 + b2.
C. S6 phiic lién hgp clia 2 14 7 = a — bi. D z2=0&a=0=0.
Lo giai.
S6 phiic z = a + bi thi phan thuc 14 a, phan 4o 13 b.
Chon déap an @ OJ
Cau 599. Diém M (—1;3) la diém biéu dién ctia s6 phiic
A z=-1+ 3. B. z=2. C.z2=1-3. D. z = 2i.
Loi giai.

S6 phitc z = a + bi (a,b € R) duge biéu dién bdi diém M (a;b). Do d6 diém M (—1;3) biéu dién cho
s6 phitc 2 = —1 + 3i.
Chon dap an @ O

Cau 600. Phan 3o ctia s6 phtec lien hop ciia z = 44 — 7 1a
A —4. B. 7. C. 7. D. 4.
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Loi giai.
Ta c6 7 = —7 — 44. Vay phan 4o ctia 7 1a —4.
Chon déap an @ O
Cau 601. Mo-dun ciia sb6 phiic z = —4 + 37 13
A —1. B. 1. C. 5. D. 25.
Loi giai.
Ta c6 |z| = V42 + 32 = 5.
Chon dap an @ O

Cau 602. Cho s6 phiic z thod man |z + 2 — 4| = 3. Tap hgp céc diém trong mit phing toa do Oxy
biéu dién s6 phitc w =1+7% 1a
A. duong tron tam I(—2;1) ban kinh R = 3. B. duong tron tam /(2; —1) ban kinh R = 3.
C. duong tron tam [(—1; —1) ban kinh R =9. D. dudng tron tam /(—1; —1) ban kinh R = 3.
Lo gii.
Golw =2z +yi (z,y € R).
+Tacow=1+zer+yi=1+zZez2=0-14yi=2=0—-1—yi.
+z4+2—i=3&z-1-yi+2—i|=3/@+12+@y+1)2=3<(z+1)*+ (y+1)?=9.
Vay tap hop céac diém trong mat phéng toa do Oxy biéu dién s6 phiic w = 1 + Z 1a dudng tron tam
I(—1;—1) ban kinh R = 3.
Chon dép an (D) O

Cau 603. Tim s6 phiic lien hgp ciia s6 phitc z = 1 + 3i.
A zZ=-1+3i. B.z=1-3i. C.z=3-—1. D.z=-1-3i.
Loi giai.
Tacoz=1-— 3.
Chon dap an O
Cau 604. Mo-dun ciia s6 phic z = bi, b€ R 1a
A. b B. b2 C. |b]. D. Vb.
Loi giai.
Ta c6 |z| = |bi| = |b] - |i] = |b].
Chon dép an (C) O
Cau 605.

Diém nao trong hinh vé bén la diém biéu dién ctia s6 phiic z = 3 + 44? y A
A. Diém D. B. Diém C. C. Diém A. D. Diém B. B AT

Lai giai.
S6 phiic z = 3 + 4i ¢6 diém biéu dién 1a A(3;4).
Chon dap an @ O

Cau 606. Diém M biéu dién sb phtic z = 2 — ¢ trén mit phfmg toa do Ozxy la
A M= (1;-2). B. M =(2;-1). C. M =(-2;1). D. M = (2;1).
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Loi giai.
S6 phitc z = 2 — i ¢6 diém biéu dién 1a M = (2; —1).
Chon dap an OJ
Cau 607.
Diém nao trong hinh vé beén la diém biéu dién s6 phic z = —2+1 y
A. N. B. P. C. M. D. Q. Q__ 2
L o
Lk |
2 -1 ERNE
a4 JM
Loi giai.
S6 phitc z = —2 + i ¢6 phan thyc —2, phan 4o 1 nén c6 diem biéu dién toa do (—2;1) chinh 1a P.
Chon dap an O
Cau 608.
Trong hinh vé bén, diém M biéu dién s6 phiic z. S6 phiic z la y
A 2—1. B. 2+ C. 1+ 2. D. 1— 2. 2
(0] [ z
[ O 2
M
Loi giai.
Tt hinh vé suy ra toa do diem M la M(2;—1)nén z =2 —i. Vay z = 2 + 1.
Chon déap an OJ
Cau 609.
Diém nao trong hinh vé bén la diém biéu dién s6 phiic z = 2447 Yy
A. D. B. B. C. C. D. A. 2]---*B
Aey------- tr---- i*****‘ D
ol
—2 -1 1 2z
S I «C
Loi giai.
Diém biéu dién s6 phitc z = a + bi 1a I(a;b). Vay dap an ding la D(2;1).
Chon dap an @ ([
Cau 610. Diém nao sau day la diém biéu dién ctia s6 phiic z = —3 + 44?
A. M(3;4). B. M(—3;4). C. M(3;—-4). D. M(—3;—4).
Loi giai.
Diém biéu dién ctia 86 phiic z = —3 + 4i 14 diém c6 toa do (—3;4).
Chon dép an (B) O
Cau 611. S6 phitc —3 + 77 ¢6 phan 4o bang
A. 3. B. 7. C. -3. D. 7.
Loi giai.

S6 phiic —3 + Ti ¢6 phan 4o bang 7.

Suu tam € bién soan Th.s Nguyén Chin Em 164 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/

Chuong 3-Giadi tich 12

Chon dap an @

Cau 612. S6 phric c6 phan thyc bang 3 va phan 4o bang 4 1a
A. 3+ 4. B. 4 - 3i. C. 3 — 4.

Lo giai.

S6 phtic ¢6 phan thiic bing 3 va phan 4o bang 4 1a 2z = 3 + 44.

Chon dap an @

Cau 613. S6 phiic 5 + 6i ¢6 phan thiic bang

A. 5. B. 5. C. —6.
Loi giai.
S6 phiic 5 + 6i c6 phan thuyc bang 5.

Chon déap an

Cau 614. S6 phtic c6 phan thiec bang 1 va phan 4o bang 3 la
A —1-—3i. B. 1-3i. C. -1+ 3.

Lo giai.

S6 phiic ¢6 phan thyc bang 1 va phan 4o bang 3 1& 1 + 3i.

Chon dap an @

D. 4+ 3.

D. 1+ 3.

Cau 615. Tim cac sb thuc =z, y thoa man (2x + 5y) + (4o + 3y)i = 5 + 2i.
8 )

\ 8 o
14 ? .x—?vay—
8 5
7 14
L&i giai.
2¢ + 5y =5 r=—-—
Yy N 14

Ta c6 (2x + 5y) + (4o + 3y)i =5+ 2i & g
dr + 3y =2 _

Chon dap an @

Cau 616.
Diém M trong hinh vé bén la diém biéu dién ctia s6 phic nao dudi
day?

A z2=-2+3. B. z =3+ 2.

C. z2=2-3i. D. z=3-2i.

Loi giai.
Vi diém M (3; —2) nén n6 la diém biéu dién ctia sé phiic 2z = 3 — 2i.
Chon dap an @

Cau 617. Tim phan thuc ¢ vA phan 4o b ciia sb phitc z = /5 — 2i.

A . a=-2b=+/5. B.a=+5,b=2. C.a=+V50b=—2.

Loi giai.
S6 phtic z = v/5 — 2i ¢6 phan thuc a = v/5 v phan 4o b = —2.
Chon dap an @

14
a Yy 8
r=——YV = ——,
7

o <

O

D. a=+5,b= —2i.

-10] 1 2 3 4z
|

O
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Cau 618. Trong mat phang toa do Oxy, tim tap hop cac diém biéu dién ctia s6 phitc 2z thda man
2 = V7
A. Duong tron tam O(0;0), ban kinh R = B. Duong tron tam O(0;0), béan kinh R = 7.
C. Duong tron tam O(0;0), ban kinh R =49.  D. Duong tron tam O(0;0), ban kinh R = /7.
Loi giai.

N |~

Goi M (z;y) 1a tap hop cac diém biéu dién clia s6 phitc z = x + yi z,y € R.
Theo gia thiét |2] = V7T < 22 +y*> =7,
Vay tap hop cac diém biéu dién ctia s6 phitc z la duong tron tam O(0;0), ban kinh R = /7.

Chon dap an @ O
Cau 619. S6 phiic lien hop ctia s6 phiic z = 2 — 37 1a

A zZ=-2-3. B.z=-2+ 3 C.z=3-2i. D.z=2+ 3.
Loi giai.

Ta c6 z =2+ 31.

Chon déap an @ OJ
Cau 620.
Diém M trong hinh vé bén du6i la diém biéu dién ctia sé phiic z. Tinh Y
tong phan thyc va phan ao ciia s6 phiic z. 3l

A —1. B. 3i. C. 3. D. 2+:. 5|

M
o 7
! x
-10 1 2 3 4
14

Loi giai.
Duya vao hinh vé ta c¢6 toa do ciia M 1a (2;1). Do do6, sb phiic z = 2 + 1.

Vay tong phan thuc va phan 4o 13 241 = 3.

Chon dép an (C) O

Cau 621. Diém M trong hinh vé duéi day biéu thi cho s6 phiic z. Chon khang dinh ding.

Y
M»--------1 3
) 0 x
A z=-2+ 3. B.z=3-2. C.z=-2-3i. D.z=3+ 2.
Loi giai.
z2=-243i=2zZ=-2-3i.
ChQﬂdépéH@ O
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Cau 622.
Diém M trong hinh vé bén biéu dién cho s6 phiic y
A z2=3—4. B. z=—-4- 3. 3 :c

C.z=3+4%. D. z=-4+ 3.

Loi giai.
Diém M (3; —4) biéu dién cho s phitc z = 3 — 4i.
Chon dap an @ O

Cau 623. Cho s6 phitc z = 6 + 7i. S6 phiic lien hop ciia z ¢6 diém biéu dién 1a
A. (6;7). B. (6;—7). C. (—6;7). D. (—6; 7).
Loi giai.
S6 phiic lién hop clia z = 6 + 7i 1a Z = 6 — 7i. Diém biéu dién ctia z ¢6 toa do 1a (6; 7).
Chon dap an O

Cau 624.
Cho 4 diém A, B, C, D trén hinh vé biéu dién 4 sb phtic khac nhau. y
Chon ménh dé sai.
A. B la diém biéu dién s6 phic z = 1 — 2i.
B. D la diém biéu dién s6 phic z = —1 — 2i. —2
C. C la diém biéu dién s6 phitc z = —1 — 2i. De-------—1 -1
D. A la diém biéu dién s6 phic z = —2 + 4.

- ————————q =

B

Loi giai.
D la diém biéu dién s6 phiic z = —2 — 4.

Chon d4ap an O
Cau 625. Cho s6 phitc z = —1 — 4i. Tim phan thyc ciia s6 phiic Z.
A. —4. B. —1. C. 1 D. 4.
Loi giai.
Ta ¢6 Z = —1 + 4i = Phan thuyc ciia s6 phitc z 1a —1.
Chon dap an O

Cau 626.
Trong mat phang toa do, duong tron t6 dam nhu hinh vé bén la tap Y
hop diém biéu dién sé phiic z. Hdi s6 phiic z théa man ding thiic nao

sau day 7

A |z—2-2|=2  B.|z-2=2 C.le—1-2i|=2  D.|z—2i=2
Loi giai.
z thudc dudng tron tam 7(2;2) ban kinh 2. Do d6 |z — 2 — 2i| = 2.
Chon dap an @ O
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Cau 627. Cho s6 phiic z thoa |z — 1| = 2. Biét ring tap hgp cac diém biéu dién s6 phiic w =
(1 +iv3)z 4 2 la mot duong tron. Tinh ban kinh r clia dudng tron do.
A r=9. B. r =16. C. r=25. D.r=4.
Loi giai.
w—3—1iyV3=(1+iV3)(z —1).
Suy ra |w — 3 —iv/3| = |(1+iv3)(z — 1)| = 4. Tap hop cac diém biéu dién s6 phitc w la dudng tron
ban kinh 4.
Chon dap an @ 0

Cau 628. Cho s6 phitc z = 1 + 2i. Mo-dun ctia z 1

A. 3. B. V5. C. 5. D. 4.
Loi giai.
= VBT T = 5
Chon dap an O
Cau 629. Cho cac s6 phiic z, 2’ ¢6 bieu dién hinh hoc lan lugt 1a cac diém M, M’ trong mit phang
toa do Ozy. Néu OM = 20M’ thi

A |z| =27 B. 2/ =2z. C. z=27. D. 2| = 2|z|.
Lo gidi.
Ta c6 |z| = OM, |2/| = OM'. Do d6, néu OM = 20M’ thi |z| = 2|2/|.
Chon dap an @ 0

Cau 630. Cho s6 phitc z = —2 — 5i. Néu z va 2’ 13 hai s6 phiic lien hgp ctia nhau thi

A 2 =./(-2)2+5. B.2Z=2-5i C. 2/ =2+ 5i. D. 2 = -2+ 5i.
Loi giai.
2 1a s6 phiic lién hop clia 2 = —2 — 5i thi 2/ = —2 + bi.

Chon dap an @ O
Cau 631.
Trong mat phang toa do Oxy cho diem M c6 toa do nhu hinh bén. Xac Yy
dinh s6 phitc z c6 diém biéu dién 1a diém M. 3
A.z=3+2. B.z=-2+3i. C.z=2+3i. D.z=3-2. © o
B O Y
Loi giai.
S6 phiic z c6 diem bicu dién 1a diém M(3; —2) = 2 = 3 — 2i.
Chon dap an @ 0
Cau 632. Cho s6 phitc z = 4 — 3i. Tim mo-dun clia s6 phic z.
A. |z| =5. B. |z| = 25. C. |z| = VT D. |z| =1
Loi giai.
Ta c6 |z| = /42 + (—3)%2 = 5.
Chon dap an @ O
Cau 633. Cho sb phiic z = 1 — 2. Khang dinh nao sau day 1a khang dinh ding?
A. Phan thyc ctia s6 phic z 1a 1. B. Phan 4o ctia s6 phiic z 1a —2i.
C. Phan 4o ctia s6 phitic z 1a 2. D. S6 phiic z 14 s6 thuan 4o.
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L3i giai.
S6 phiic z = 1 — 2i ¢6 phan thyc 1a 1, phan 4o 1a —2 va khong phai 1a s6 thuan &o.
Chon dap an (A) O
Cau 634. Diém M trong hinh vé bén 1 biéu dién s6 phtic
A 2=2+3. B.z2=3-2i. C.2=2-3i. D.2=3+2. Y
3F------ M
O 2 x
Lai giai.
S6 phitc z = a + bi ¢6 diém bicu dién 1a M (a;b).
Chon dap an @ O
Cau 635. Diém nao trong céc diém sau day la diém biéu dién hinh hoc ctia s6 phic z = —5 + 44

trong mat phang toa do Ozy.
A. C(5;—4). B. B(4;-5). C. A(—5;4). D. D(4;5).
Loi giai.
Diém biéu dién hinh hoc ctia s6 phiic z = a + bi véi a, b € R 1a M(a;b). Vay diém biéu dién hinh
hoc ctia s6 phtic z = —5 + 4i 1a A(—5;4).

Chon dap an @ O
Cau 636. Tim mo-dun ctia s6 phiic z = 4 — 3i.
A. |z| =4 B. |z| =1 C. |z| =5. D. |z| = V7.
Loi giai.
Ta c6 |z| = /42 + (—3)? = 5.
Chon dap an @ O

Cau 637. Cho s6 phiic z = 1 4 2i. Diém biéu dién ctia s6 phic lien hop ciia z 1a diém nao sau
day?

A. M(1;2). B. N(1;-2). C. P(—1;-2). D. Q(2;-1).
Loi giai.
Ta c6 Z = 1 — 2i. Do d6 diém bicu dién ctia s6 phitc z 1a N(1; —2).
Chon dap an O
Cau 638.
Diém M trong hinh vé bén la biéu dién s6 phic é/, M
o
1] |
1
A z=3+2. B. z2=3-2. C.z2=2-3i. D. z=2+ 3i.
Lo gidi.
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Truc thyc (truc Ox) chi $6 2, truc &o (truc Oy) chi s6 3. Vay dap an la z = 2 + 3i.

Chon dap an @ O
Cau 639. Cho s6 phitc z = a + bi (a,b € R). Khang dinh nao sau day sai?

A zZ=a— . B. 22 1a s6 thyc. C. |z| = Va2 + 12 D. z -7z la sb thuyc.
Loi giai.

Xét z=1+2€C,tac62>=2-2=(1+2i)(1+2i)=-3+4i ¢ R.
Vay khang dinh “22 1a s6 thuc” sai.
Chon dap an 0

Cau 640. Cho s6 phiic z, biét ring cac diém bic¢u dién hinh hoc clia s6 phiic z, iz vh 2 + iz tao
thanh mot tam giac c6 dién tich bang 18. Tinh mo-dun cta s6 phic 2.
A. |z| =2V3. B. |z| = 3V2. C. |z| =6. D. |z] =09.
Loi gidi.
biat z =z +yi, (x,y € R), ta c6
iz=i(lr+yl)=—-y+xivazt+iz=x+yi—y+zi=x—y+ (x+y)i.
Goi A(x;y), B(—y;x), C(x — y;z + y) la cac diém biéu dién cia z, iz, z + iz.
Tacoé AB = /(=2 —y)2 + (v — y)?, AC = \/(—y)2 + 22, BC = /22 + 4?2
= AB? = AC? + BC? = AABC vuong tai C.
Khi d6 Saapc = %AC -BC = %(mz +y) =18= /a2 +y?=6=z|.

Chon dap an @ O
Cau 641. Tinh mo-dun ctia s6 phiic 2z = 3 + 44.
A VT B. 3. C. 7 D. 5.
Lai giai.
Tacoz=3+4i=|z|=v32+42=05.
Chon dép an (D) O
Cau 642.
Diém M trong hinh vé bén biéu dién s6 phiic z. S6 phiic Z bing
A. 2+ 36 B. 2 — 3i. C. 3+ 2i. D. 3 —2i.
Loi giai.

Ta c6 M(2;3) 1a diém biéu dién ctia s6 phiic z = 2 + 3i. Suy ra z = 2 — 3.
Chon dap an O

Cau 643. Hoi c6 bao nhiéu s6 phiic z théa dong thoi cac dieu kien |z —i| = 5 va 22 1a s6 thuan

407
A. 2. B. 3. C. 0. D. 4.
Loi giai.

bat z = x + iy (v6i z, y € R).
Taco |z —i|=be 22+ (y—1) =25. (%)

2% 1a s thuan 4o, suy ra 22 —y> = 0 &
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r=4
V6i x = y thay vao (*) ta dugc 2% + (x —1)? =25 & 222 — 20 — 24 =0 & [
T = —3.
r=—4
V6i x = —y thay vao () ta duge 2® + (z +1)? =25 & 22+ 22 —24 =0 &
T = 3.
Vay ¢6 4 s6 phitc can tim 1& 4 + 44, —3 — 3i, —4 + 44, 3 — 3i.

Chon dap an @ O

Cau 644. Phan 3o clia s6 phtic z = —3 + 27 1
A -2 B. 3. C. 2. D. -3.
Loi giai.
Phan 4o ctia s6 phitc z = —3 + 27 1a 2.
Chon dép &n (C) O

Cau 645.
Trong hinh vé bén diém M biéu dién sb y
phtic z. S6 phiic z bang
A 2+ B. 1+ 2i.
C.1-2i. D.2—i. R R M

LaJi giai.
Diém M c6 toa do (2;1) nén la diém biéu dién s6 phiic z = 2 + .
Chon dap an @ O

Cau 646. Trong mat phang vé6i hée toa do Oxy, goi A, B, C lan lugt la cac diém biéu dién s6 phiic
—1 — 2,4 — 44, —3i. S6 phtic biéu dién trong tam tam giac ABC la

A —1-—3i. B. 1-3i. C. —3+9%. D. 3—9i.
Loi giai.
Ta c6 A(—1;—-2), B(4; —4),C(0; —3) nén trong tam G cua tam giac ABC ¢6 toa do la G(1;—3). Do
d6 sb phiic bicu dién diém G 1a 1 — 3i.

Chon dép an (B) O
Cau 647. So phic liéen hop ciia s6 phiic z = 2 — 37 1

A Z=-2-23i. B.z=-2+ 3. C.z=3—-2. D.z=2+ 3.
Loi giai.

S6 phtic lién hgp ctia s6 phitc 2 =2 — 3i 1a z = 2 + 3i.
Chon dap an @ [l

Cau 648. Trén mat phang toa do, tap hop cac diém biéu dién s6 phitc z thda man |z — (3 —4i)| = 2
la

A. Duong tron tam 1(3;4), ban kinh R = 2.

B. Duong tron tam I(—3; —4), ban kinh R = 2.

C. Duong tron tam [(3; —4), ban kinh R = 2.

D. Duong tron tam I(—3;4), ban kinh R = 2.
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Lai gidi.

Dat z = a+bi(a,b € R) = Z = a — bi.

Theo gia thiét [z — (3 —44)| =2 a—bi— (3 —4i)| =2 (a —3)* + (b—4)? = 4.
Vay tap hop cac diém biéu dién s6 phiic 2 14 duong tron tam [(3;4), ban kinh R = 2.

Chon dap an @ O
Cau 649.
Cho sb phitc z ¢6 diém biéu dién 1a M trong hinh vé bén. Goi Y
M’ 14 diém biéu dién cho sb phiic Z. Toa do ctia diem M’ 1 %’)

A M'(=3;-2). B. M'(3;2). 0 3 o

C. M'(-3;2). D. M'(3; -2). |

N |
M

Loi giai.
S6 phitc z biéu dién diém M 1a z = 3 — 2i.
=7 =342 = M(32).
Chon d4ap an O
Cau 650. S6 phic lien hop ctia 2 = 1 — 24 1a

A z=1+2. B . z=-1-2. C.z=2—1. D . z=-1+2i.
Loi giai.
S6 phiic z = 1 + 2i 1& s6 phiic lién hop clia 2 = 1 — 2i.
Chon dap an @ O
Cau 651. Cho sb phic z = 3 +4. Tinh [Z|.

A |z| = 4. B. [z| = V10. C. |z| = 2Vv2. D. z| = 2.
Loi giai.

Doz=3+inénz=3—1.

Vay 2] = /3% + (=1)2 = V10.
Chon dap an O

Cau 652. S6 phiic z théa man Z = 1 — 2 dugc biéu dién trén mit phang toa do bdi diém nao

sau?
A Q(—1;-2). B. M(1;2). C. P(—1;2). D. N(1;-2).
Loi giai.
Tac6Z=1—-2i = 2z=1+2i. Khi dé s6 phtic z dugc biéu dién trén mat phang toa do bdi diem
M(1;2).
Chon déap an OJ
Cau 653. Modun clia s6 phiic z = 4 — 3i bang:
A. 25. B. 5. C. 4. D. -3.
Loi gidi.
C6 |2| = /42 + (—=3)3 = 5.
Chon dap an O
Cau 654. Cho sb phiic 2 théa man |22 — 1| = |2+ 1 +4| v diém biéu dién ctia z trén mat phang toa

do thuoc duong tron cé tam I(1;1), ban kinh R = /5. Khi d6 tich moédun ciia tat ci cac sb phiic z

théa man cac yéu cau trén 1a?
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A. V5. B. 3. C. 3v/5. D. 1.
L3i giai.
Goi z =a + bi(a,b € R).
Theo gia thiét ta co
12(a+bi) — 1| = |a — bi + 1 + 1|
&(2a— 1) + 2bi| = |(a + 1) — (b — 1)i|
& ((2a—1)2+ (20 = (a+1)* + (b — 1)
& 3a® +3b° — 6a+2b— 1 =0. (1)
Vi diém biéu dién cua z trén mit phing toa do thuoc dudng tron tam I(1;1), R= V5 nen ta co
(a—1)*+(b-1)>*=5
sa?+b—2a—2=3
&a* —2a=3—b>+2b. (2)
Thé (2) vao (1) ta duge 3(3 —b*+2b) + 30> +2b—1=0< b= —1.

a=20 7z =—1
Khi do, thay vao (2) ta suy ra = = |z 2] = V5.

a=2 29 =2 —1

Chon dap an @ 0

Cau 655. Cho s6 phitc z = 1 — 2i, diém M biéu dién s6 phiic Z trén mat phang toa do Oxy cé toa
do 1a

A. M(2;1). B. M (1;2). C. M (1;-2). D. M (-1;2).
Loi giai.
Tacoz=1-2i=z=1+2i= M(1;2).
Chon dap én O

Cau 656. Cho cac sb phitc z théa man |z| = m? — 2m + 2, v6i m la tham s6 thyc. Biét rang diém
biéu dién ctia s6 phiic w = (6 + 8) 2 + i thuoc dudng tron (C,,). Tim ban kinh nhé nhat ciia dudng
tron (Ch,).

|
A B. 1. C. 10. D. v10.
Loi giai.
Tacow=(6+8i)2+ie Lt — 2o | Y20 2 2] [w—i] = |2]-|6 + 8] = 10 (m? — 2m + 2)
6 + 8i 6 + 8i '

Gid st w = z-+yi véi z;y € R, khid6 |w — i| = 10 (m? — 2m + 2) = (2)*+(y — 1)* = 100 (m? — 2m + 2)°.
= tap hop bicu dién w 1a dudng tron c6 ban kinh R = 10 (m? — 2m + 2).
Tacom?—2m+2=(m—1)°>+1>1= R>10 = Ry = 10,

Chon déap an @ OJ

Cau 657. Cho s6 phiic z = —3 + 4i. Goi M la diém biéu dién s6 phitc z. Tung do cta diem M
la

A. 6. B. —4. C. 4. D. —6.
Loi giai.
z=-3+4i = %z = —3 — 4i. Diém biéu dién s phitc 7 1a diém M (—3; —4) nén tung do diem M
bing —4.
Chon dap an O
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Cau 658. Tim phan thyc va phan 4o ctia s6 phic 2z = —mi + 1.

A. Phan thyc 13 1 va phan 4o 1a —m. B. Phan thyc 1a —7 va phan 4o 1a 1.
C. Phan thuyc la 1 va phan 4o 1a —mi. D. Phan thyc 1a —7i va phan 4o 1a 1.
Loi giai.

S6 phiic z c6 phan thuyc 1a 1 va phan do 1a —.
Chon dap an @ O

Cau 659. Goi M, N, P lan lugt 1a céc diém biéu dién ctia cac s6 phic 2y = 1+ 14, 20 = 8 + 1,
23 = 1 — 3i trong mat phang phitc Ozy. Khing dinh nao sau day la khang dinh ding?

A. AMNP vuong. B. AMNP déu.
C. AMNP can. D. AMN P vubdng can.
Loi giai.

Ta c6 M(1;1), N(8;1), P(1;-3).

Dé dang tinh duge MN =7, NP = /65, MP = 4 va M N? + MP? = NP2

Vay tam giac M N P vuong tai M.

Chon dap an @ O

Cau 660. Menh deé nao sau day sai?
A. S6 phiic z = 2018i 1a s6 thuan ao.
B. S6 0 khong phai 1a s6 thuan do.
C. S6 phiic z = 5 — 3i ¢6 phan thyc bang 5, phan 4o bang —3.
D. Diém M(—1;2) la diém biéu dién ctia s6 phitc z = —1 + 2i.

Lo giai.
S6 0 vita 1a s6 thie, vita la s6 thuan do.
Chon dap an O
Cau 661. Tim s6 phtc lien hop ctia s6 phiic z = 3 + 2i.
A . zZ=3-2i. B.z=-2-3i. C.z=2-3 D.z=-3-2i.
Loi gidi.
S6 phiic liéen hgp ctia z 147 = 3 — 2i.
Chon dap an @ O
Cau 662. Cho s6 phiic 2 ¢6 diém biéu dién trén mat phang toa do 1a A(3; —4). Tinh |z|.
A. 25. B. V5. C. 10. D. 5.
Loi gidi.
Theo dé bai suy ra z = 3 — 4i. Tit d6 |2| = /32 + (—4)2 = 5.
Chon dép an (D) O
Cau 663. Trong mit phang phiic Oy, diém A(—2;1) 1a diém biéu dién ctia s6 phiic nao sau day?
A z2=2—1. B z=-2+1. C. z2=2+41. D z=-2—1.
Loi gidi.
Diem A(—2;1) la diém biéu dién ctia s6 phiic z = —2 + 4.
Chon dap an O
Cau 664. Cho s6 phitc z = 3 — 2i. Tim phan thyc va phan o clia z.
A. Phan thyc 1a 2, phan 4o 1a —2i. B. Phan thyc 1a 3, phan 4o 1a —2.
C. Phan thyc 13 3, phan 4o 13 2i. D. Phan thyc 1a 3, phan 4o 1a 2.
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Loi giai.
Ta c6 Z = 3 + 2i, vay Z ¢6 phan thyc 1a 3, phan 4o 1 2.
Chon dép an (D) O
Cau 665. Tim phan 4o ciia s6 phiic z = 3 + 2i.
A 2. B. 3. C. 1. D. 2.
Loi giai.
Phan 4o ctia s6 phtic z = 3 + 2i 1a 2.
Chon dap an @ O
Cau 666. Cho s6 phtic 2 = —2 + 3i. Tim phan 4o ctia s6 phtic z.
A. -3 B. 3. C. —3i. D. 3:.
Loi giai.
Ta c6 Z = —2 + 3i = —2 — 3i. Phan 4o can tim 1a —3.
Chon dap an @ 0

Cau 667. Khang dinh nao sau day 1 sai?
A. V6i moi s6 phiic z, |z| 1a mot sd thuc khong am.
B. V6i moi s6 phiic 2, |z| la mot s6 phiic.
C. V6i moi s6 phiic z, |z| 1a mot s6 thyc duong.
D. Véi moi s6 phtic z, |z| 1a mot s6 thue.

Loi giai.
V6i moi s6 phiic 2z thi |2] 1a mot s6 thuc khong am nén |z| 1a s6 thuc hay |z| 1a s6 phric.
Chon dap an @ O
Cau 668.
Diém M trong hinh vé bén la biéu dién s6 phiic z. Ménh dé nao sau Yy
day dang? Moo o1

A 2z=—4+1. B. 2z = —4+2i. |

C.2z=4-2i. D. 2z =2 — 4i. |

9 1) T

Loi giai.
Theo hinh vé ta c¢6 z = =2+ i = 2z = —4 + 2i.
Chon dap an O
Cau 669. Trong mit phang phiic, goi A, B,C la ba diém lan lugt bi¢u dién ba s6 phtic z;, 2o, 23
thoa man |z1| = |ze| = |23] = 1 va |21 — 22| = 2. Khi d6 tam gidc ABC

A. deéu. B. vuong. C. can. D. ¢6 mot goc tu.
Loi giai.

Theo gia thiét, tam gidc ABC noi tiép duong tron (O;1) c6 AB = 2. Suy ra tam giac ABC vuong
tai C.
Chon dap an O
Cau 670. Cho sb phtic z théa man z(2 — i) + 13i = 1. Tinh mo-dun ctia s6 phiic z
V34 o5V 34
A. |Z| =V 34. B. |Z’ = T C. |Z| = T
Lo gidi.

D. |z| = 34.
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Cach 1 Taco 2(2—i)+13i =1= |2(2 —i)| = |1 — 13i| & |z| - Vb = V170 & |z| = V34.
Cach2Tacoz(2—i)+13i=1&2(2—i)=1-13i
& 22-9)2+i) =(1-13i))(2+1i) < 52=15—-25i < 2 =3 — 5i

= |z| = V32 + 52 = V/34.

Chon dap an @ O
Cau 671.
Cho s6 phiic z ¢6 diém biéu dién la diém A trong hinh vé. Tim phan thuc y
va phan 4o ctia s6 phiic z. 2%,,,,,,,,5:1
L
O 3

A. Phan thyc bang 3, phan 4o bang —2. B. Phan thyc bang 3, phan 4o bang 2.

C. Phan thyc bang 2, phan 4o bang —3i. D. Phan thyc bang 3, phan 4o bang 2i.
Loi giai.
z=3+2=72=3—- 2.
Chon déap an @ OJ
Cau 672. Cho s6 phiic z = 2 + 4i. Tinh hiéu phan thyc va phan 4o clia z.

A. 2. B. 2V/5. C. —2. D. 6.
Lai giai.

_ {Phén thite bang 2
2 =244 = R . .
Phan 4o bang 4

= Hiéu phan thyc va phan 40 14 2 — 4 = —2.
Chon dap an @ O
Cau 673. Cho s6 phtic z = 2 + 3i. S6 phtic lién hgp cia z 1a

A Z=2-23i B.z=-2-3i. C.z=-2+3i. D.z=3+2.
Loi giai.

S6 phiic lien hop clia 2 =2+ 3i 1a 2 = 2 — 3i.
Chon dap an @ O

Cau 674. Trong mat phang toa do Oxy, goi M la diém biéu dién sb6 phtic z = 2 + 2i; M’ 1a diém
2 ~ Z 3 )
biéu dién s6 phiic 2’ = 522 Tinh dién tich tam gidc OMM’.

15
A. SAOMM’ =4, B. SAOMM/ = 6. C. SAOMM’ = 3. D. SAOMM’ = 7

Loi giai.
N
Ta 6 M(2;2). Mit khac 2/ = Ezz = —3+3i = M'(=3;3).
Tam gidc OMM' c6 OM = (2;2), OM' = (—3;3) = OM-OM' = 2:(=3)+2-3=0<0M LOM'.

Dién tich tam giac OM M’ 1a Saone = %OM -OM' = % -|z] - 12| = 6.
Chon d4p an O
Cau 675. Cho s6 phiic z = 3 — 4i. Mo-dun ctia z bang
A. 25. B. 7. C. —1. D. 5.
Loi giai.
z=3—4i=|z| =3+ (—-4)? =5.
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Chon dép an (D) O
Cau 676. Cho s6 phiic z = —3 + 7i. Phan 4o ctia s6 phtic z 147

A. T7i. B. 4. C. 7. D. -3.
Loi giai.
Phan 4o ctia s6 phiic 2 = -3+ 71 1a 7.
Chon dap an @ O
Cau 677. Trong mat phang toa do, diem M (—3;2) la diém bicu dién ctia s6 phiic nao dusi day?

A z2=3+2. B. z=-3+2. C.z2=-3-2. D. z2=3-2.
Loi giai.
M (—3;2) duge biéu dién béi sé phitc z = —3 + 2i.
Chon dap an OJ
Cau 678. Cho s6 phtic z = 3 4 2i. Tim phan thiic va phan 4o clia s6 phiic Z.

A. Phan thyc bang 3 va phan 4o bang —2. B. Phan thyc bang 3 va phan 4o bang —2i.

C. Phan thyc bang 3 va phan 4o bang 2. D. Phan thyc bang —3 va phan 4o bang —2.
Loi giai.

z=3+21=>2=3— 2
Vay phan thyc ctia z béng 3 va phan 4o bang —2.

Chon dap an @ O
Cau 679.
Trong céc diém ¢ hinh bén, diém nao 1a diém bic¢u dién cho s6 phitc z = . Y
3— 27 o 3 o
A P. B. M. C. Q. D. N. 2T !
-2, o1 3@
Y E— 4
e---- -3 N
Q
Loi giai.
Diém N la diém biéu dién cho s6 phitc z = 3 — 2i.
Chon dap an @ O
Cau 680.
Diém M trong hinh la diém biéu dién s6 phiic nao? y
A z=(1+2i)(1—1). B. 22 —6=(1—1)%
L4
c.zzlfz. D. 2= (1+4)2-30). ;
@) X
B 1R S
M

LaJi giai.

Diém M la diém biéu dién s6 phitc 2z = 3 — i, do do:
@ z=(142i)(1 —i) =3+ loai.
@ 22—6=(1-1)*=—2i = 2z =3 — i thoa man.
® = 1+4  (1+4)?

= - = =1 loai.
1—1 2
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@ z=(141)(2—3i) =5—1i loai.

Chon dap an OJ
Cau 681. Diém M trong hinh vé bén duéi la diém biéu dién ciia sé phic

A z=-3+2. B. 2=3+ 2. Y

C. z=-3-2. D.z=3-2.

-3 x
! O
S 9
M

Loi giai.
Diém M trong hinh vé 14 diém biéu dién ctia sé phic z = —3 — 2i.
Chon dap an @ O
Cau 682. Phan thyc ctia s6 phiic z = 1 — 2i 1a

A -2 B. —1. C. 1. D. 3.
Lo giai.
S6 phiic z = 1 — 2i ¢6 phan thye 1a 1.
Chon dap an @ O
Cau 683. Cho s6 phiic z = 11 +1. Diém biéu dién sé phiic lien hop ciia 2 1a diém nao dusi day?

A. Q(—11;0). B. M(11;1). C. P(11;0). D. N(11;-1).
Loi giai.
S6 phiic lien hop clia 2z 14 Z = 11 — 4 nén c¢6 diém biéu dién 1a N(11; —1).
Chon dap an @ O
Cau 684. Cho sb phiic z thod man (2 + 3i)z = z — 1. Modun cta z bang

1 1
A ——. B. —. C. 1. D. v10.
V10 10

Lo giai.

243i)z=2—-1(1+3i)z=-1<1+3i|-|z|=1=|z2| =

e}

Chon déap an @ OJ
Cau 685.
Trong mat phing Oxy, diem M trong hinh vé bén la diém biéu dién s6 Yy
phiic z. S6 phiic z 1a ]\/[: ******* 1

A -2+ B. 1-2. C. —2—i. D. 1+ 2. l

-2 ‘O T

Loi giai.
Ta c¢6 M(—2;1) nén diém M la diém biéu dién s6 phiic 2 = —2 +14. Do d6 z = —2 — i.
Chon dap an @ O
Cau 686. Ki hiéu a, b lan luct 1a phan thiyc va phan 4o clia s6 phitc z = —4 — 3i. Tim a, b.

A a=-4b=3. B.a=-4,b= -3i. C.a=—-4,b=-3. D.a=4,b=3.
Loi giai.
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S6 phiic z = —4 — 3i ¢6 phan thyc 1a @ = —4, phan 40 1a b = —3.

Chon déap an @ OJ
Cau 687.
Cho tam giac ABC nhu hinh vé. Biét trong tam G clia tam giac ABC y
la diém biéu dién ctia s6 phiic z. Tim phan 4o ctia sb6 phic Z. 5 A
A 1. B. —1. C. —i. D. ..
B @) C
4 —> T

—2 2

Loi giai.

Theo gid thiét, ta c6 A(0;3), B(—2;0), C(2;0).
Toa do trong tam G cua tam gidc ABC 14 G (0;1) nén z =i =z = —i.
Chon dap an [l

Cau 688. Cho sb phiic z c¢6 s6 phiic lien hop Z = 3 — 2i. Tong phan thuc va phan 4o clia sé phiic 2

bang
A 1 B. —5. C. 5. D. —1.
Loi giai.
Ta c6 z = 3 + 2i. Vay tong phan thuc va phan 4o clia sé phiic z 14 3 +2 = 5.
Chon dap an @ O
Cau 689. Sb phtic z = 15 — 3i ¢6 phan 4o biang
A. 15. B. 3. C. -3. D. 3.
Lo gidi.
Phan 4o 1a —3.
Chon dap an @ 0
Cau 690. Trong mat phing toa do Ozy, tim toa do diem M biéu dién cho s6 phiic z = 3 + 5i.
A. M(3;-5). B. M(—3;-5). C. M(3;5). D. M(5;3).
Lo giai.
S6 phtic z = a + bi ¢6 diém biéu dién 1a M (a;b). Vay suy ra diém M c6 toa do 1a (3;5).
Chon dép an (C) O

Cau 691. Cho hai s6 phiic 2y, 2, thoa |21| = |zs] = V17. Goi M, N lan lugt 1a diém biéu dién ctia
21, 7o trén mit phing toa do. Biét MN = 3\/5, goi H la dinh th tu ctia hinh binh hanh OM HN

va K 1a trung diém ctia ON. Tinh do dai ¢ ctia doan thang K H.

A l0="—. B. ( =5V2. C. (= . D. /¢
2 5v2 2 2
LaJi giai.
Goi E la giao diém ctia OH va M N. N H
M2 N2 MN?
O — O + O B
2 4 K
2
= 17—%:?5:01&12:40132:50
o HN?*+ HO* ON? OM?*+OH?* ON?
- 2 4 2 4 o) M
1 1 11 1
_ 1750 m_ur_ o, 3VIS
2 4 4 2
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Chon déap an @ OJ
Cau 692. Diém M trong hinh vé bén biéu dién s6 phtic ¢6 phan thuec la
A 1. B. 2. C. V5. D. 3. y
M
ly-—------- -
(@) 2 T
Loi giai.
Diém M biéu dién s6 phiic z = 2 4 i. Do d6, phan thiec clia z 1a 2.
Chon dap an O
Cau 693. Tim toa do diem M la diém biéu dién ctia s6 phiic z = 3 — 4i.
A. M(3;4). B. M(-3;—4). C. M(3;-4). D. M(-3;4).
Loi giai.
Ta ¢6 s phiic z = 3 — 4i ¢6 diém biéu dién 1a M(3; —4).
Chon dap an @ O
Cau 694.
Cho s6 phiic z c¢6 biéu dién hinh hoc la diém M & hinh vé bén.
Khang dinh nao sau day la ding? 1
A z=3+42i. B. . z=-2-3i. 1 1 5 3
C.z=3-2i D.z=-2+3i. ot %
ol 3
S T .
M
Loi giai.
Diém M (3; —2) biéu dién s6 phiic z = 3 — 2i.
Chon dép an (C) O
Cau 695.
Goi M va N lan lugt 14 diém biéu dién ctia cac sd phiic z;, 2o khac 0. Khi Y
d6 khang dinh nao sau day sai? N
C. |Zl—22|:MN D. |21|ZOM | o
.
0]
Loi giai.
Goi zy = a1 + b1t = M(al,bl), 2o = Qg + bt = M(CLQ,bQ).
Ta co ‘21 + 22| = \/<CL1 + CL2>2 + (bl + b2)2.
Ma MN = \/(al —ag)? 4 (by — b9)?. Suy ra |23 + 29| # MN.
Chon dap an @ 0

Cau 696.
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Diém M trong hinh vé bén la diém biéu dién cho sé phiic nao trong 4 sb6 phitc dudc . y

***** '+ M
liet ke dudi day? l
A z=4-2. B. 2 =2+ 4. C. z=4+ 2i. D z2=2—4. !
] |
0] 2 @
Lo giai.
Ta c6 toa do M (2;4), suy ra s6 phtic biéu dién béi M 1a z = 2 + 4i.
Chon dap an [l

Cau 697. Cho s6 phiic z = 1 4 3i. Goi M la diém biéu dién ctia s6 phiic lien hop z. Toa do diém
M la

A. M(-1;-3). B. M(1;3). C. M(1;-3). D. M(-1;3).
Loi giai.
S6 phric lien hop z =1 — 3¢ nén M (1; —3).
Chon dép an (C) O
Cau 698. Cho sb phiic z = 1 + 2i. Diém biéu dién ctia s6 phiic Z la
A M(-1;2). B. M(-1;-2). C. M(1;-2). D. M(2;1).
Lai giai.

Z = 1 — 2i. Suy ra diém biéu dién ctia s6 phic z 1a M(1; —2).
Chon dap an @ 0

Cau 699. Tim phan thyc va phan 4o ctia s6 phiic z = 3 + 2i.
A. Phan thyc bang —3 va phan 4o bang —2i.  B. Phan thuyc bang —3 va phan 4o bing —2.

C. Phan thyc bing 3 va phan 4o bang 2i. D. Phan thyc bang 3 va phan 4o biang 2.
Loi giai.
Theo dinh nghia thi s6 phiic z = 3 + 2i ¢6 phan thic va phan 4o tuong tng la 3 va 2.
Chon dép an (D) O
Cau 700. Cho s6 phiic z = cos ¢ + isin ¢, (¢ € R). Tim mo-dun cla z.
A. |cosp| + |sinp|. B. 1. C. |cosp +siny|. D. | cos2¢p|.
Loi giai.
Ta c6 z = cosg +ising = 1(cosp +isinp) nén r = 1.
Vay [z| = 1.
Chon dap an O
Cau 701. Tinh mo-dun ctia s6 phiic z théa man (2 +14)z + 1 : ?Z = 20.
A. |z] =5. B. |z|=T. C. |z| = V5. D. |z| =1.
Lai giai. '
Ta c6 (2+1i)z + 1?—;52 =20 2=3—4i=|z| =5.
Chon déap an @ O

Cau 702. Trong mat phing Oxy, cho diém A(2; —3) bicu dién sé phiic z4, diém B biéu dién sb

phiic zp = (1 +4)z4. Tinh dién tich S cta tam gidc OAB.

11 13 17 15
A S=—. B. S=—. C. S=—. D. S=—.
S 5 S 5 S 5 S 5

L&i giai.
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Tacdza=2—-3i=z25=5—1= B(5—1).

OA = (2,-3;0) sy 13
Trong khong gian Oxyz, ta c6 ¢ __, = Spo0aB = —‘[OA OB]‘ =5
OB = (5,—1;0) 2 2
Chon dap an (B) O

Cau 703. Cho hai s6 phiic 2, 2, thuoc tap hop S = {z e C: |zz -2 - 3i| = 2} va théa man
21+ 22 =4 —2i. Tinh A = |21]? + | 20|

A. A=6. B. A=14. C. A=8. D. A=12.
Loi giai.
Goi M, N lan lugt 1a diém biéu dién cta 2, 2s. Y
Goi E la trung diem M N.
Ta co o N
x
iz —2—3i| =2 2
& i (z—3+20)| =2 I
& |z —3+2i| =2 (1) M
Tu (1) ta thay M, N thuoc dudng tron tam I(3;—2) ban
kinh R = 2.
Ta ¢ E(2;,—1) = El = (1;—1) = EI = /2 = MN = 2V/2.
Trong AOMN, ta c6
M? N?  MN?
2 4
= OM* + ON? = 14.
Chon dap an O

Cau 704. Cho cac s6 phiic 21 = 1 4+ 3i, 20 = —2 + 24, 23 = —1 — i dudc bicu dién lan lugt béi cac
diém A, B, C trén mit phing phitc. Goi M la diém théa man AM = AB — AC. Khi d6 diém M
biéu dién sb phiic

A. z =61 B. z = —6i. C. z=2. D. z=-2.
Loi giai.
Toa do A(1;3), B(—2;2), C(—1;—1). Goi toa do diem M (z;y).
AM = (z —1;y —3), AB = (=3;—1), AC = (—2; —4).

s, {x—1:—3—(—2) {93:0 ,
Ta c6 AM = AB — AC = & = 2 = 6.
y—3=(-1)—(—4) y=>6

Chon dap an @ O
Cau 705. Tim toa do diém biéu dién hinh hoc ctia s6 phiic z = 8 — 9i.

A. (89). B. (8;-9). C. (—9;8). D. (8;—9i).
Loi giai.
Toa do diém biéu dién s6 phiic z = 8 — 9i 1a (8; —9).
Chon dap an O
Cau 706.
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Diém M trong hinh vé bén biéu dién s6 phiic Z. Y o
S6 phiic z bang 3+ j
A2+ 3i. B. 3+ 2i. |
C. 2 — 3i. D. 3 - 2i. |
S S TR
0 9
Loi giai.

Tit hinh vé, ta thay diém M bicéu dién ctia s6 phitc 2 + 37, do d6 tit gid thiét suy ra z = 2 + 3i.
Vay, z = 2 — 3i.

Chon dap an @ OJ
Cau 707. Tim phan thyc ctia s6 phiic z = 1 — 2i.

A 2. B. —1. C. 1. D. 3.
Loi giai.

Phan thuc ctia s6 phiic 2 = 1 — 2i 1a 1.
Chon dap an (C) O

Cau 708. Cho sb phiic z théa méan |z — 2i| = [Zi + 3i|. Trong mat phing véi he toa do Owxy, tap
hop cac diém biéu dién s6 phiic z 1a dudng thang c6 phuong trinh

A 6r+4y—5=0. B.6x—4dy—0. C.6r—4y+5=0  D.6r+4y+5=0.
Loi giai.

Dat z=ax+yi, 1,y € R, tacd |z —2i| = [zi + 31| © 2>+ (y —2) = y* + (x +3)> & 6z + 4y +5 = 0.
Chon dép an (D) O
Cau 709. S6 phiic z = 2 — 3i ¢6 s6 phtic lien hop 1a

A. 3 —2i. B. 2+ 3i. C. -2+ 3. D. 3+ 2i.

Loi giai.

z2=2-3i=2+3i.

Chondépén O

Cau 710. Trong cac ménh dé sau, ménh dé ndo dang?
A. S6 phiic z = 2 — 3i ¢6 phan thyc 1a 2 va phan do 1a —3i.
B. S6 phiic z = 2 — 3i c¢6 phan thuec 1a 2 va phan o 1 —3.
C. S6 phitc z = 2 — 3i ¢6 phan thuyc 1a 2 va phan 4o 1a 3i.
D. S6 phitc z = 2 — 3i ¢6 phan thic 14 2 va phan 4o 1 3.

Loi gii.
Mot s6 phiic z = a + bi thi a 1 phan thue, b 14 phan 4o va ¢ 1a don vi &o.
Chon déap an [l
Cau 711. S6 phic lien hop ciia s6 phtic z = 6 — 41 1a
A Z=—-6+ 4. B. z=4+ 6. C. z2 =06+ 4. D z=-6-—4.
Loi giai.
S6 phiic lien hop ctia s6 phiic 6 — 44 1a 6 + 4.
Chon dap an @ O
Cau 712. Mo-dun clia s6 phiic z = 3 — 2 bang
A1 B. 13. C. V13. D. 5.
Loi giai.
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S6 phiic z = 3 — 2i ¢6 mo-dun 1a |z| = /3% + (—2)2 = V13.

Chon dép &n (C) O
Cau 713. Tim phan thyc va phan 4o ctia s6 phiic lién hgp ctia s6 phitc z = 1 + 4.

A. Phan thyc 13 1, phan 4o 1a —1. B. Phan thyc 1a 1, phan 4o 1a —i.

C. Phan thyc 14 1, phan 4o 1a 1. D. Phan thyc 13 1, phan 4o 13 4.
Loi giai.

z =1 — 4, phan thyc bang 1, phan 4o bang —1.
Chon dap an @ O

Cau 714. Cho s6 phiic z thay déi, thda man |z —i| = |z — 1 + 24|. Biét ring tap hop cac diém bicu
dién ctia s6 phiic w = 2z + 2i trén mit phang toa do 1d mot duong théing. Phuong trinh dudng thang
do 1a

A x—4y+3=0. B.z+3y+4=0. C.z—-3y+4=0. D. —2+4+3y+4=0.
Loi gii.
Dit w=x+vyi, véiz,y € R.Khid6, z=w—-2i=z+ (y—2)i.Suyra |z —i| = |z —1+2i] &
|z + (y — 3)i| = |z — 1 + yi|, hay tuong duong véi 2% + (y —3)> = (z — 1)) +y* & x —3y+4=0.
Chon dap an @ O

Cau 715. Mo-dun clia s6 phiic w = a + 2i véi a € R bang bao nhiéu?

A |w|=+Va+2. B. |w|=+Va*— 4. C. |w| =+va®+4. D. |w| = a® + 4.

Loi gidi.
S6 phiic w = a + 2i ¢6 mo-dun 1a |w| = Va? + 4.
Chon dap an @ O
Cau 716.
Biét tap hgp cac diém biéu dién s6 phiic z = z+yi 14 nita hinh tron tam O(0; 0) y
ban kinh R = 2 (phan t6 dam, ké cd duong gidi han) nhu hinh bén. Trong céc 12
khang dinh sau, khang dinh nao ding?

A x>0valzl =2 B.y>0valz|=2. "

C.z>0valz <2 D.y>0val|z| <2 ol 1 2
Lo giai.
Duya vao hinh vé trén ta thay s6 phiic 2z ¢6 phan thyc khong am va |z] < 2.
Chon dap an @ OJ
Cau 717.
Trong mat phing toa do Ozy, cho hinh binh hanh OABC Y B
c¢6 toa do diém A(3;1), C(—1;2) (nhu hinh vé bén). S6 :
phtic nao sau day c6 diém biéu dién la diém B? C(-1:2)

A. w, = -2+ 3i. B. wy = 2 + 3i. ’

x
O

Lo giai.
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Do OABC la hinh binh hanh nén
OB=04+0C. (1)
Ma OA = (3;1) va OC = (—1;2) neén tit (1) suy ra
OB =(23). (2)

Tit (2) suy ra diem B(2;3) hay diém B la diém biéu dién ctia s6 phiic wy = 2 + 3i.
Chon dap an O

Cau 718. Cho tap X = {1;3;5;7;9}. C6 bao nhiéu s6 phiic z = x + yi ¢6 phan thiyc, phan 4o déu
thuoc X va cé tong = + y < 107?
A. 20. B. 10. C. 15. D. 24.
Loi giai.
Xét s6 phiic z =z +yi (z, y € X).
Vi s6 phitc 2 = x + yi thda man z + y < 10 nén ta xét cic trudong hgp sau
@ (z;y) € {(1;3),(1;5),(1;7),(1;9), (3;5), (3; )}, ¢6 2 x 6 = 12 s6 phiic thoa méan.
@ (x;y) € {(1;1),(3;3),(5;5)}, c6 3 s6 phiic théa man.
Vay ¢6 12 + 3 = 15 s6 phiic théa méan dé bai.

Chon dép &n (C) O
Cau 719. Tim phan thyc va phan 4o ctia s6 phiic z = 1 — 3i.
A.1va —3i. B. 1va -3. C. —3val. D. 1va 3.
Loi giai.
Phan thyc 13 1 va phan 4o 1a —3.
Chon dap an O
Cau 720. Cho sb phiic z = 5 — 44. S6 phiic lien hgp clia z ¢6 diém biéu dién M 1a
A. M(—5;—4). B. M(5;—4). C. M(5;4). D. M(-5;4).
Loi giai.
S6 phiic lien hop ctia 2z 1a Z = 5 + 44 suy ra M(5;4).
Chon dap an @ U
Cau 721. Cho s6 phtic z = 2 — 7. Ménh dé nao dudi day dung?
A. Phan thyc bang 2. B. Phan thyc bang —1.
C. Phan thyc bang 1. D. Phan 4o bang 2.
Loi giai.
S6 phiic z = 2 — i ¢6 phan thyc bang 2 va phan 4o bang —1.
Chon dap an @ O
Cau 722. Trong mit phang toa do Ozy, toa do diém M biéu dién s6 phitc z =4 — i 1a
A. M(4;1). B. M(—4;1). C. M(4;-1). D. M(—4;-1).
Loi giai.
Diém biéu dién s6 phitc z =4 — i 1a M(4; —1).
Chon dap an @ O

Cau 723. Cho s6 phiic z = 2 — 3i. S6 phiic lién hgp Z clia s6 phiic z 13
A Z=-3+2i. B.z=2+ 3. C.zZ=-2+3i. D.z=-2-3.
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Loi giai.
2=2-31=7Z=2+3i.
Chon dap an O

Cau 724. Trong mit phing toa do Ozy, tap hgp cac diém biéu dién céc s6 phiic z théa man diéu
z+2—i=21a
A. duodng tron (z +2)* + (y — 1)? = 4.
B. duong tron tam [(2; —1) va ban kinh R = 2.
C. duong thing x —y — 2 = 0.
D. dudng thang = +y — 2 = 0.
Lai gidi.
Gidstz=x+vyi(r,yeR).Khido [z+2—i]|=2< (z+2)*+ (y—1)* =4
Vay tap hop céc diém biéu dién céc s6 phitc z théa man diéu |z + 2 —i| = 2 la duong tron (z + 2)% +
(y—17?=4
Chon dap an @ O

Cau 725. Trong miit phang toa do Ozy, tap hop diém biéu dién s6 phiic z c¢6 phan thuc bing 3 1
dudng théng c6 phuong trinh
A x=-3. B.z=1. C. z=-1 D. x=3.
Loi gidi.
Goi z =x 4 yi v6i x,y € R.
Do z ¢6 phan thyc bang 3 nén z = 3.

Chon dap an @ 0
Cau 726. Diém biéu dién clia s6 phiic z = 2 — 3i trén mat phang Ozy la diém nao sau day?

A. (—2;3). B. (—3;2). C. (2;3). D. (2;-3).
Loi giai.

Diém biéu dién ctia s6 phitc z = 2 — 3i trong mat phang Oxy 1a (2; —3).
Chon dap an @ 0

Cau 727. Cho sb phiic z ¢6 diém biéu dién trong mit phang toa do Ozy la diém M(—1;5). Tinh
mo-dun cia z.
A. |z| = V26. B. |z]| = 4. C. |z| =2 D. |z| = V24.
Loi giai.
Diém M (—1;5) biéu dién ctia s6 phiic z = —1 + 5i.
Vay mo-dun ctia z la |z| = v/26.

Chon dap an @ O
Cau 728. Tong phan thuyc va phan 4o ciia s6 phitc z = 3 —1i la

A. 2. B. —1. C. -2 D. 3.
Loi giai.

Ta c6 phan thuc ciia z bing 3 va phan 4o clia z bing —1. Do d6 tong phan thic va phan 4o la 2.

Chon dap an @ O

Cau 729. Cho s6 phiic 2 = a + (a — 5)i véi a € R. Tim a dé diém biéu dién ctia sé phitc ndm trén
duong phan giac clia géc phan tu thit hai va thi tu
1

5 3
A.a-—i B.a—i. C.a=0. D.a—é.
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Loi giai.

) 5
Déthéaménbaitoénsuyraa—5:—a<:>2a—5:O<:>a:5.
Chon dap an O
Cau 730. Cho cho hai s6 phiic z = 3 + 2i v w = 3 — 2i. Khang dinh nao sau day la khiang dinh

sai?
A. |z > |w]|.
B. |z] = |w|.
C. Néu A va B theo thit ty 1 hai diém biéu dién ctia z vh w trén hé toa do Oxy thi AB = |z — w|.
D. S6 phiic z 1a s6 phiic lien hgp ctia s6 phiic w.

Lo giai.
Do |z| = V32 + 22 = V13 va |w| = /32 + (—2)2 = V13 nén |z| = |w|.
Chon dap én@ 0

Cau 731. Trong hé toa do Oxzy, cho diém M biéu dién s6 phic z = —2 + 3i. Goi N la diém thuoc
dudng thing y = 3 sao cho tam giac OMN can tai O. Diém N la diém biéu dién ctia s6 phiic nao
dudi day?
A z=3-2i B. z=-2-3i C. z=2+3i. D z=-2+1i.
Loi giai.
Do gid thiét suy ra toa do M (—2;3) nén M thudc dudng thang y = 3. Vi tam giac OM N can tai O
suy ra N dbi xitng véi M qua Oy nén toa do diem N (2;3). Khi d6 diém N la biéu dién ctia s6 phtic
z=2+41

Chon dap an @ OJ

Cau 732. Gid sit 21, 2 1a hai nghiém ctia phuong trinh 22 — 22 +5 = 0. Goi M, N lan lugt la cac

diém biéu dién ciia 21, 2o trén hé toa do Ozy. Toa do trung diém ctia doan thing MN la

A. (1;0). B. (1;1). C. (0;0). D. (0;1).
Loi gii.
z=14+2 N
Taco 2> —224+5=0% T Khong mat tinh tong quat gid st 2y = 1+ 2i va 29 = 1 —2i do
d6 toa do diem M (1;2) va N (1;—2). Goi I 1a trung diém ctia M N ta suy ra toa do I (1;0).
Chon déap an @ OJ

Cau 733. Diém M trong hinh vé bén la diém bicu dién ctia s6 phiic z. Tim phan thic va phan 4o

clia s6 phiic z.

A. Phan thyc 1a —4 va phan 4o 1a 3. Y
B. Phan thyc 1a 3 va phan 4o 1a —4i.
C. Phan thuyc la 3 va phan 4o 1a —4. 0 ¥ ‘
D. Phan thyc 14 —4 va phan 4o 1a 3i.
4 M

Li giai.
Drra vao hinh vé ta dude s6 phiic z = 3 — 44. Vay s6 phiic z c¢6 phan thyc la 3 va phan 4o 1a —4.
Chon dap an @ O
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Cau 734. Cho sb phiic z = 4 — 3i. Diém biéu dién ctia z trén mat phang phtec la

A. M(43). B. M(—4;3). C. M(4;—3). D. M(—3;4).
Lo giai.
Diém biéu dién ctia 2z trén mat phang phic 1a M (4; —3).
Chon dép an (C) O
Cau 735. Tim hai s6 thuc x,y théa man 2 + (5 — y)i = (x — 1) + 5i.
r =3 x =06 xr=—6 =3
A. . B. . C. . D. .
y=0 y=3 y=3 y=20
Lo gidi.
2=x—1 r=3
2+b—yi=(r—-1)+bi < &
D—Yy=25 y=0.
Chon dap an @ O

Cau 736. Trong mit phang Ozy, cho diém A la diém biéu dién s6 phtic z = 1+ 24, B 1a diém thuoc
dudng thing y = 2 sao cho tam gidc OAB can tai O. Diém B la diém bicu dién ctia s6 phiic nao
trong cac s6 phitc dudi day?

A -3+ 2. B. —1+ 2i. C. 3+ 2. D. 1-2i.
Loi giai.
z =1+ 2 = A(1;2); diém B thuoc duong thang y = 2 = B(a;2). Tam gidac OAB can tai O
& 0A=0B < 5=a>+4< a==1. Vay diém B biéu dién cho s6 phic z = +1 + 2i.

Chon dép an (B) O
Cau 737. Goi a,b lan lugt 1a phan thuc va phan 4o clia s6 phiic z = —3 + 2i. Gia tri clia a + 2b
bang

A 1. B. —1. C. —4. D. -7
Loi giai.

Tacoa=—-3,b=2néna+2b=1.

Chon dap an (A) O
Cau 738. S6 phtic z théa mén z = —3 — 2i 1a
A z2=3+2u. B. z=-3-2. C. z2=-3+2i. D. z=3-2i.
Loi giai.
Dé thay ngay z =2 = —3 — 2i = —3 + 2i.
Chon dap an @ O
Cau 739. Mo-dun clia s6 phitc z = 3 + 4i bang
Al B. 7. C. 5. D. V7.
Loi giai.
Ta c6 |z| = /32 +42 = 5.
Chon dap an @ O
Cau 740. Cho s6 phtic z thod man z — 4 = (1 +1)|z] — (4 + 32)i. Modun ctia s phiic z bang
A 2. B. 1. C. 16. D. 4.
Loi giai.
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bat z = a + bi. Khi dé ta co
a+bi—4=(1+1i)Va®+b>— (44 3a+ 3bi)i
& a—4+bi=va2+0?+ivVar+0? - (4+3a)i+3b
& a—3b-—Va?+0?—-44+b—-Va®+bv+3a+4)i=0

a—3b—Va2+b2-4=0
=
3a+b—Va2+2+4=0
a—3b—Va2+2—4=0
=
2a+4b+8=0
—2—4—3b—\/(~2b— 42+ 52 —4=0
=
= _2h—4
—2b—4)2 4+ 12 =5b+8
A=
= —2h—4
562 + 16b + 16 = 25b° + 80b + 64
=
a=—2b—4
200 + 64b + 48 = 0
=
= —2h—4

b= -2
a=20 .

V6i c4 hai truong hop ta déu co |z| = Va2 + b2 = 2.
Chon déap an @ OJ
Cau 741. Diém biéu dién ctia cac s6 phiic z = 7+ bi v6i b € R nam trén dudng thang c6 phuong
trinh 1a

Aly=a+T. B.y=T. C.x=T. D.y=u=x.
Loi giai.
Céac diém biéu dién ctia cac s6 phiic z = 7+ bi, b € R ¢6 toa do M, = (7;b),b € R. Tap hop cac diém
M, 13 duong thang x = 7.
Chon dap an @ O

Cau 742. Trong mat phang véi he toa do Oxy, cho cac diém A(4;0), B(1;4) va C(1;—1). Goi G
la trong tam ciia tam giac ABC'. Biét ring G 1a diém bicu dién s6 phiic z. Ménh dé nao sau day 13

dang?

A.z:3—gi. B.zzB—i—gi. C.z=2—1. D.z=2+1.
Lai giai.
G 1a trong tam ctia tam gidc ABC' suy raG<4+;+1;0+4;(_1)> =(2;1).

Vay G la diém biéu dién ctia s6 phiic z = 2 + 1.
Chon dap an @ O
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Cau 743. Cho céc s6 phiic z; = 34, 20 = —1 — 3i v 23 = m — 2i. Tap gia tri ctia tham s6 m dé s6
phiic z3 c6 mo-dun nhé nhat trong 3 s6 phiic da cho 1a

A. [-VE V5|, B. (—V5V5).

C. {—\/5; \/3} D. (—oo; —\/5> U <\/5, —|—oo).

L&i giai.

z3| < |z m2+4<9
Thm{’ﬂ |”@{ em?2<be —/5<m< Vb

23] < |22] m?+4 < 10
Chon dap an O
Cau 744. Cho s6 phiic 2z = 3—5i. Goi a, b 1an lugt 1a phan thite va phan 4o ctia z. Tinh S = a+b.
A S=-8. B. §=8. C. S=2. D. S =-2.
Loi giai.
Tacoa=3,b=—-5=5=a+b=-2.
Chon dap an @ O
Cau 745. Cho s6 phtic z = 7 — 5i. Tim phan thuc a cla z.
A a=-T. B. a=5. C. a=-5. D.a=T7.
Loi giai.
S6 phiic z = a + bi v6i a, b € R ¢6 phan thiyc 1a @ nén s6 phiic z = 7 — 57 ¢6 phan thyc 1a 7.
Chon déap an @ O
Cau 746. Tim tat ca cac s6 thuc z, y sao cho 2 — 2 + yi = —2 + 5i.
A z=0,y=5. B.x=-2y=5. C.x=2y=5. D .x=2y=-5.
Loi giai.
) ‘ ‘ {ﬁ—zz—a {sz
Taco x? — 2+ yi = =2+ 5i & &
y=>5 y=>5
Chon dap an @ O

Cau 747. Trén mat phang phtc, cho diéem A biéu dién s6 phic —2 + 34, diem B biéu dién s6 phiic
4 — 5i. Goi M la trung diém ctia AB. Khi d6, diém M biéu dién s6 phiic nao trong céc s6 phic

sau
A. 3 — 4. B. 3+ 4i. C. 1+ D.1—i.
Loi giai.
Ta c¢6 A(—2;3), B(4;—5). M la trung diém ctia AB = M (1; —1). Vay M biéu dién s6 phiic 1 — i.
Chon dap an @ O
Cau 748. Tim s6 phiic lién hgp ctia s6 phiic z = (1 —4)(3 + 24).
A Z=-5+1. B.z=5—-1. C.z=5+1. D.z=-5—i.
Loi giai.
Tac6z=(1—-1i)(3+2i)=5—1i,suyraz=>5+1.
Chon dap an @ O
Cau 749. Tinh mo-dun ctia s6 phiic 2z = 4 — 3i.
A |zl =T. B. |z| = V7. C. |z| =5. D. |z| = 25.
Lo giai.

Ta c6 |z| = /42 + (—3)%2 = 5.
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Chon dap an @ 0

Cau 750. Goi M la diém biéu dién ciia s6 phtic z trong mit phang toa do, N la diém déi xiing ctia
M qua Oy (M, N khong thuoc cac truc toa do). S6 phiic w c¢6 diem bicu dién lén mit phang toa do
1a N. Méenh dé nao sau day dung?

A w=-z B w=-z C.w==z D. |w| > |z].
Lo gii.
Gia st M (z;y) la diém biéu dién s6 phiic z = z + yi, v6i 2,y € R, N la diém ddi xing ctia M qua
Oy.
Khi d6 N(—x;y) la diém biéu dién s6 phiic w = —x + yi = — (v — yi) = —2.

Chon dap an O
Cau 751.
Cho sb phitc z ¢6 diém biéu dién trén mat phang toa do la M, biét 2% c6 y
diém biéu dién 1a N nhu hinh vé. Ménh dé nao sau day dang?
A |z < 1. B.1<|z]<3. C.3<]z]<5. D. |z >5.
M
0 x
Loi giai.
Goi z = a+ bi v6i a,b € R va a < b. Khi d6 22 = a® — b? + 2abi.
Tit hinh vé ta thay
ad b <0
2ab > 2b
a>—b > —a
a>1
- {b <V2
& l<a<b<V?2
Vay 1 < |z| < 3.
Chon dap an O

Cau 752. Goi M, N lan luct la cac diém biéu dién ctia 2, 2o trong mat phing phic, I la trung
diem M N, O 1a gbc toa do (3 diém O, M, N phan biét va khong thing hang). Ménh dé nao sau day
ding?

A. |Zl+22| =201. B. |Zl+22| = 0l.
C. |Zl—22’:OM+ON. D. |Zl—22‘:2<OM+ON)
L&i giai.
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Goi P la diém biéu dién ctia s6 phtic 21 + 2. O
Khi d6 OM PN la hinh binh hanh nén 201 = OP = |z + z|.

|21 — 22| = MN va MN # OM + ON, MN # 2(OM + ON).

Vay dap s6 dang 1a |z; + 25| = 201.

I N
P
Chon dap an @ O
Cau 753. Tim sb phiic z ¢6 diém biéu dién 1a (—2;9).
A z2=—-214 9. B. z2=-2:1409. C. z= -2z 4+ 9y. D z=-2+49.
Loi gii.
Diém biéu dién s6 phiic z = a + bi 1a (a;b), v6i a, b la s6 thuc.
Chon dap an @ O

Cau 754. Trén mit phang toa do, tap hop diém biéu dién s6 phiic z théa man diéu kién |z+2—5i| = 6
1a duong tron c6 tam I va ban kinh R lan lugt 1a

A. I(—-2;5) va R = 36. B. I(—2;5) va R = 6.
C. I(2;-5) va R = 36. D. I(2;-5) va R = 6.
Loi giai.

Goiz=z+iy (v, y €R). Taco |z+2—5i|=6< (z+2)*+ (y — 5)* = 36.
Suy ra tap hop diém biéu dién z 14 duong tron c6 tam I(—2;5) va ban kinh R = 6.

Chon dap an O
Cau 755. So phiic lien hop ctia s6 phiic z = 7i + 2 13

A zZ=Ti—2. B. z=2-"Ti. C.z=-2-"Ti. D.zZz=2+T.
Loi giai.

S6 phiic lien hop clia z = a + bi 1A 2 = a — bi véi (a,b € R).
Chon dap an O
Cau 756. Mo-dun ciia s6 phiic z = a — 2i 13

A |z| =Va? + 4. B. |z| = Va? —4. C. lz|=2+2 D. |z]| =va+2.

Lai giai.

2] = a? + (—2)? = Va® + 4.

Chon dap an @ O
Cau 757. Tim phan thyc va phan 4o clia s6 phiic 2 = 5 — 4i.

A. Phan thyc 1a 5, phan 4o 1 4i. B. Phan thyc 1a 5, phan 4o 1a —4i.

C. Phan thyc 13 5, phan 4o 14 —4. D. Phan thyc 1a 5, phan 4o 1a 4.
Loi giai.

S6 phiic 2 = a + bi(a,b € R) ¢6 phan thyc 1a a va phan 4o 1a b.
Chon dap an @ O

Cau 758. Cho sb6 phiic z = —4 — 6i. Goi M la diém biéu dién s6 phiic Z. Tung do cta diém M

la
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A 4. B. —6. C. 6. D. 4.
Loi giai.
C6 2= —4 —6i = Z = —4 + 64, suy ra diém bicu dién ctia z 13 M(—4;6).
Chon dép &n (C) O
Cau 759. Cho sb phiic z = 7 — iy/5. Phan thuc va phan 4o ciia s6 phitc Z lan lugt 1a
A. 7va 5. B. -7 va /5. C. 7 va iv/5. D. 7 va —/5.
Loi giai.
C6 Z = 7+ iv/5, ¢6 phan thuc 1a 7, phan &o 1a /5.
Chon dap an @ [l

Cau 760. Trong cac ménh dé sau, ménh dé nao sai?
A. S6 phtic z = a + bi, a, b € R dugc goi 1a s6 thuan 4o (hay s6 40) khi a = 0.
B. S6 i duge goi 1a don vi 4o.
C. Mai s6 thuc a dude coi 1a mot s6 phiic v6i phan 4o bang 0.
D. S6 0 khong phai 1a sb ao.

Lai giai.
S6 0 vita 1a s6 thuc, vita 1a s6 thuan do.
Chon dap an @ O
Cau 761. Phan thuc ciia s6 phiic z = 3 + 27 bang
A. V13 B. 2. C. 3. D. 5.
Lai giai.
Phan thyc ctia s6 phiic 3 + 21 1a 3.
Chon dép an (C) O
Cau 762. S6 phtic nao sau day la s6 thuan ado?
A. 2 =3i B. 2 =V3+i. C. 2= -2+3i. D.z=-2.
Loi giai.
Vi z = 3i ¢6 phan thiyc bang 0 va phan 4o bang 3 # 0 nén z = 3i 1a s6 thuan ao.
Chon dap an @ U
Cau 763.
Trong mat phéng phiic, cho diém M trong hinh vé bén la diém biéu Yy
dién s6 phiic z. Trong cac ménh dé sau ménh dé nao sai? Abooo M
A. S6 phiic z c6 phan 4o bang 4 . 3
B. 7 =3 4i, |
C. || =5 3
D.z—Zz=6. i
0 B
Loi giai.
Tac6z=3+4i=2=3—41,do d6 z—2z = 8&i.
Chon dép an (D) O

Cau 764. Trong mat phang phiic, cho hai diém A(—3;5), B(2;4). Trung diém M clia doan AB la

2 « 2 -3 2 £ 2. N ~
diém bieu dién ctia sO phiic nao sau day?
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19 9 1
Loi giai.
. 19 2 R I 9.
Toa do diem M la (—5; 5) Suy ra, diem M bieu dién so phtc z = 5 + 5@.
Chon dap an @ O
Cau 765. So phiic z = 12 — 3i ¢6 phan thic va phan 4o 1an lugt bang
A. —12 va 3. B. 12 va 3. C. —3val2. D. 12 va —3.
Loi giai.
S6 phiic z = 12 — 3i c¢6 phan thyc 1a 12 va phan 4o la —3.
Chon dap an @ [l
Cau 766. Tim cac s6 thyc z, y théa man (x +y) + (22 — y)i = 3 — 61,
Alz=—-1y=—-4. B y=-1z=4. C.r=-lLy=4. D z=1y=-4
Loi giai.
r+y=3 r=—1
Ta co: & .
20 —y = —6 y=4
Chon dap an @ O

Cau 767. Mo-dun ctia s6 phic z =m — 2i (m € R) la
A Vm?—2. B. vVm? +2. C. vVm? — 4. D. vVm? +4.
Loi giai.
Ta ¢6 |z| = vVm? + 4.
Chon dap an @ O

Cau 768. Trong mat phing Oxy, diém bicéu dién sé phiic z = —3 + 4i 1
A. M(3;—4). B. M(-3;—4). C. M(-3;4). D. M(3;4).
Loi giai.
M(—3;4) 1a diém biéu dién s6 phiic z = —3 + 4i.
Chon dép &n (C) O

Cau 769. Goi A, B, C la cac diém trong mat phang Ozy theo thi tu bicu dién céc sb6 phic 2 + 34,
3+1, 1+ 2i. Trong tam G ctia tam giac ABC biéu dién s6 phiic z. Tim z.

A z=1+1. B.z=1-1. C. z2=2-2i. D. z=2+2i.
Loi giai.
Ta c6: A(2; 3), B(3; 1), C(1; 2) = G (2; 2) 1a diéem biéu dién s6 phiic z = 2 + 2i.
Chon dép an (D) O
Cau 770. Trong mit phang Ozy, s6 phitc z = 2i — 1 dugc biéu dién béi diém M c6 toa do la
A (1;-2). B. (2;1). C. (2;,-1). D. (-1;2).
Loi giai.
S6 phiic z = —1 + 2i ¢6 diém biéu dién M(—1;2).
Chon dap an @ OJ
Cau 771. Tim s6 phtc lien hop ctia s6 phiic z = 3 + 2i.
A . zZ=3-2i. B.z=-3-2. C.z=2-3u D z=-2-3
Loi giai.

Ta c6 s6 phiic lien hgp clia s6 phitc 2 =3 +2i 1a 7 = 3 — 2i.
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Chon dap an @ O

Cau 772. Trong mit phang toa do Ozy, diem M(3;—2) la diém bic¢u dién cho s6 phitc nao sau
day?

A z2=2-3. B. 2=2+ 3. C. z=3-2. D.z=-3+2.
Loi giai.
Trong mat phing toa do Oxy, diém M (3; —2) l1a diém biéu dién cho s6 phiic z = 3 — 2i.
Chon déap an @ OJ
Cau 773. Cho sb phitc Z = 3 — 2¢. Tim phan thyc va phan o cia z.
A. Phan thuyc bang 3 va phan 4o bang 2. B. Phan thyc bang —3 va phan 4o bang —2.
C. Phan thyc bing 3 va phan 4o bang —2. D. Phan thyc bang 3 va phan 4o bang —2i.
Laoi giai.

Tacoz=3—-21=2z=3+2i.
Tt d6 suy ra phan thic clia z bang 3, phan 4o clia 2z bang 2.
Chon dap an (A) O
Cau 774. Cho s6 phtic z = 5 — 4i. Tinh mo-dun ctia s6 phiic z.
A. 3. B. 1. C. 9. D. V/41.
Lai gii.
Ta ¢6 Z = 5 + 4i, suy ra [Z] = /52 4+ 42 = \/41.
Chon dép an (D) O

Cau 775.

Trong hinh vé bén, diém M biéu dién sé phic z. S6 phiic Z 1

A 2—1. B. 1+ 2i. C.1-—2. D. 2+i.
Loi giai.
T hinh vé suy ra M(2;1) nén z =2+414. Vay 2 = 2 — 4.
Chon dap an @ l

Cau 776. Mo-dun ctia s6 phiic z = /7 — 3i 1a

A. [z =5. B. [2] = 10. C. |2| = 16. D. |2 = 4.
L&i giai.
Taco 2 = V7= 3i = |2| = \/(VT)? + (-3)> = 4.
Chon dap an @ =

Cau 777. Cho s6 phiic Z = 3 — 5i. Khi d6 phan 4o ctia s6 phiic z 1a

A. 5. B. 5. C. -3. D. 3.
Loi giai.
Ta c6 z = 3 + 5i = phan 4o clia sd phic z 1a 5.
Chon dap an 0
Cau 778.
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Diém M trong hinh vé bén la diém biéu dién s6 phiic y
A z=1- 3. B. z=-14+3i. C.z=3+1. D z2=3—-1. ]
o

Loi giai.
Diém M (3; —1) 1 bidu dién cho s6 phitc z = 3 — i.
Chon dap an @ O
Cau 779. Cho s6 phiic z = 2i — 8. S6 phiic lién hop clia z 1a

A Z=21+8 B.z=-21+8. C.z=2i+8. D.
Loi giéi.

= —2i— 8.

|

S6 phiic lién hgp clia 2z 1a 7 = —2i — 8.
Chon déap an @ O

Cau 780. Trong mit phang phtic cho cac diem A(—4;1), B(1;3), C(—6;0) lan luct 1a diém biéu

e X 2 P . ~ .z N + 2 2 X 2 £ . N
dién céc so phtc z1, 29, 23. Trong tam G cla tam giac ABC' la diém bieu dién ciia sO phiic nao sau

day?

A -3+ %lz B. 3+ gz C.3- %lz D. -3-— %2
Loi giai.

T = —3 4
Toa do trong tam G cua tam giac ABC' la 4 =G (—3; 5) la diém biéu dién ctia s6 phic
Yo = 3
4. ;

-3+ gz.
Chon dap an (A) O
Cau 781. Cho sb phiic z = 3 + 2i. Tinh |z|.

A |z = V5. B. |z| = V13. C. |z| =5. D. |z| = 13.
Loi giai.
Tacc’)|z|:\/32—|—722:\/ﬁ.
Chon dap an O
Cau 782. Tinh mo-dun ctia s6 phiic z, biét rang z vita 1a s6 thuc vita 14 s6 thuan ao.

A |z =1. B. |z| =0.

C. |z| = Va? +b%,Va,b € R. D. |z| = .
Loi giai.
Do z virta 1a s6 thuc vira 1a s6 thuan 4o nén z = 0.
Vay [z] = [0] = 0.
Chon dap an O
Cau 783. Diém nao sau day la biéu dién ctia sb phic z = 2 — 3i?

A. M(2;-3). B. M(-2;-3). C. M(-2;3). D. M(2;3).
Loi giai.
Diém biéu dién s6 phtic z = 2 — 3i la M(2; —3).
Chon dap an @ O
Cau 784. Tim s6 phiic lien hop ctia clia 86 2 = 5 + 1.

A zZ=5—1. B.z=-5—u. C.zZ=5+1. D.z=-5+1.
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Lo giai.
S6 phtic lién hgp clia ctia s6 a + bi la a — bi. Do d6 z =5 — 1.
Chon dap an @ O
Cau 785. Cho s6 phiic z = /7 — 3i. Tinh |z|.
A |z] =5. B. |z] = 3. C. |z| =4 D. |z| = 16.
Loi giai.
Ta ¢6 |z| = (\/7)2 + (3 =4.
Chon dap an @ O
Cau 786. Cho sb phiic z = 3 — 2i. Tim diém biéu dién ctia s6 phitc w = 2z + iz.
A. M(1;1). B. M (1;-5). C. M (5;-5). D. M (5;1).
Loi gii.

Tacow=3-2i+i(3+2) cw=3-2+3i—-2cw=1-+1i

Chon déap an @ OJ
Cau 787. Cho s6 phiic z thda man (1 + 2i)z = 4 — 3i + 22. S6 phric lien hgp ctia s6 phiic 2 1a
A z2=2+1. B. z=-2+.. C. z=-2—1. D z=2-u1.
Loi gii.
Dat z = a + bi.

Taco: (1+2i)z=4-3i+2z (—14+2i)z2=4—-3i< z2=—-2—1.
Vay z = -2+ 1.

Chon dap an 0
Cau 788. Cho sb phiic z = —3 — 2i. Tong phan thyc va phan 4o ctia s6 phiic z bing

A —1. B. —i. C. -5 D. —5:.
Loi giai.

S6 phiic z = —3 — 2i ¢6 phan thuc bang —3, phan 4o bang —2. Téng phan thuc va phan ao cia sb
phiic z la —5.
Chon dap an @ 0
Cau 789. Cho s6 phiic z = a + bi, (a,b € R). Tinh mo6-dun ctia s6 phtic Z.

A |z = a® + V2 B. |Z| = Va® + 12 C. |z| = Va2 — 12 D. |z| = Va+b.
Lo gidi.
2| = Va? + 12,
Chon dap an O
Cau 790.
Diém M trong hinh vé bén la diém biéu dién s6 phiic z. Tim phan thuc Yy

va phan 4o ctia s6 phiic.

===

—9}--

S

A. Phan thyc 14 1 va phan 4o 1a —2i. B. Phan thyc 1a —2 va phan 4o 1a 1.
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C. Phan thyc 14 —2 va phan 4o 1a 1. D. Phan thyc 1a 1 va phan 4o 1a —2.
Loi giai.
S6 phiic z c6 phan thie 14 1 va phan 4o 1a —2.
Chon dap an @ O
Cau 791. Phan 3o ctia s6 phtic z = 2 — 37 1

A 2. B. 3. C. 3i. D. -3.
Loi giai.
Phan 4o ciia s6 phiic z = 2 — 3i 1a —3.
Chon dap an @ O
Cau 792. Diém biéu dién ctia s6 phiic z = 53 1a

— 30
2 3
A. (——) B. (4;,-1). C. (2,-3). D. (3;-2).
2.3 (4:-1) 29 3:-2
Loi giai.
1 2+ 3 2+ 30 2 3 N . ~ )
Ta c6 z = - = + ! ~ = o2 + —1. Suy ra diem biéu dién cua so phiic
2-3i  (2-30)(2+3) 13 13 13
2 3,\<2 3)
z=—+4+—tla | —;—|.
13 13 13713

Chon déap an @ OJ

Cau 793. Trong mit phing phiic, goi A, B,C lan lugt la cic diém bicu dién ctia céc sd phiic
21 =(1—=14)(241),25 =1+ 3i,23 = —1 — 3i. Tam giac ABC la

A. Mot tam gidc vudng can. B. Mot tam giac can (khong déu).
C. Mot tam giac vuong (khong can). D. Mot tam giac déu.
Lo giai.
Tacé 2y =3 —i,29 =1+3i,23 = —1 — 3i. Diém biéu dién ciia cac sd phiic 21, 2o, 23 1lan luot 1a

A(3;-1),B(1;3),C(—1;-3).

= AB = /(1 -3)2+ (3+1)2 = 2/5. Tuong tu BC = 2v/10, CA = 21/5. Do AB = AC(= 2v/5)
va AB? + AC? = BC? nén tam giac ABC 1a tam giac vuodng can.

Chon dap an @ O

Cau 794. Cho s6 phtic z ¢6 phan 4o am va théa man 2?2 — 3z + 5 = 0. Tim mo-dun ciia s6 phiic
w=2z—3++v14.

A. V24, B. V1T C. 4. D. 5.
Loi giai.
Ta c6 phuong trinh 2% — 3z +5 = 0 ¢6 hai nghiém 1a z = 3+T\/1_1Z Va2 = S_T\/l_ll
= w = /14 + V/11i.
= |w| = V14 + 11 = /25 = 5.
Chon dap én@ O

Cau 795. Cho s6 phiic z = a + a?i v6i a € R. Khi dé diém biéu dién ctia s6 phiic lien hgp clia 2

nam trén duong nao?

A. Duong thang y = —z + 1. B. Duong thing y = 2.
C. Parabol y = 2% D. Parabol y = —a2.
Loi giai.

Diém biéu dién ctia s6 phiic lién hgp z 1a M (a; —a?). Do dé diém M thuoc y = —a2.
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Chon dép an (D) O

Cau 796. Cho sb phiic z = 2 + i. Tim toa do diém biéu dién ctia s6 phiic lien hop ctia s6 phiic
2.
A (=2;-1). B. (—2;1). C. (2;1). D. (2;-1).
Loi giai.
Dé thiy z = 2 — 4, diém biéu dién tuong ting c6 toa do 1a (2; —1).
Chon dap an @ O

Cau 797. Tim phan 4o ctia s6 phiic z = 3 — 2i.
A. Imz = —2. B. Imz = —-2. C. Imz =2. D. Imz = 3.
Loi giai.
Dé thay Imz = —2.
Chon dap an O

Cau 798. Cho s6 phiic 2 = a + bi (a,b € R). Ménh dé nao duéi day luon dang?
A z—ZzZ=2a. B. 2z =a? — b C. z+z=2b. D. |2?] = |z|%
Loi gii.
Dé thay |2%| = |z|* v6i moi s6 phiic z.
Chon dap an @ O
Cau 799. S6 phiic z nao sau day théa man |z| = v/5 va 2 14 s6 thuan 40?
A. 2 =1/5. B. 2 =2+ 3i. C. z = 5. D. 2 = —/5i.
Loi gii.

s b=
\ﬁzléséthuanéonéntadatz:bi:|z|:|b|:\/5$[
b

Chon dap an @ O
Cau 800.
Trong mit phang Oxy, cho cac diem A, B nhu hinh vé bén. Trung diém Y
ciia doan thang AB biéu dién sb phic gt-- ¥
1 1 ‘
A —1+2i. B. —54—22'. C.2—i. D. 2—51'. ;
a___af
2 o] 1 =
Loi giai.
2 2 _]. 1
Toa do trung diém cia doan thang AB la <7, 2). Khi d6 z = ) + 2i.
Chon dap an O
Cau 801. Diém M(3; —4) 1a diém biéu dién ctia s6 phtic z, s6 phiic lién hop clia 2 1a
A z=3—4. B. z=-3+4.. C. z=3+4i. D. z=-3—4i.
Loi giai.
Ta co z =3 —4isuyraz=3+ 4.
Chon dap an (C) O

Cau 802. Cho sb phiic z = 6 + 7i. S6 phiic lién hgp clia z trong mat phang (Oxy) c¢6 diém biéu
dién hinh hoc 1a
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A (6;7). B. (6; 7). C. (—6;7). D. (—6;—7).
Loi giai.
Ta c6 2 =6+ 7i =z = 6 — 7i = Diém biéu dién hinh hoc ctia 7 1a M (6; —7).
Chon dap an O

Cau 803. Cho s6 phiic z théa man |z — 3 — 4i| = v/5. Goi M va m lan lugt la gia tri 16n nhat va
gid tri nho nhét ciia biéu thic P = |z 4+ 2|* — |z —4|>. Tinh S = M? + m?.
A. 1256. B. 1258. C. 1233. D. 1236.
L3i giai.
Cach 1: St dung diéu kién cé nghiém cia phuong trinh bac hai.
Goi z =z + yi, (z,y € R).
Taco|z—3—4il=vVie |z —3+(y—4)i| =V (x—3)°+ (y—4)° =5 (x).
Taco P=|z+2—|z—i’=(@+22?+> - [®+ (y— 1)} =40+ 2y + 3=y =
Thé vao (%) va rit gon ta c6: 2022 — 8(P — 8)x + P? —22P + 137 =0
Phuong trinh bac hai nay c6 nghieme A’ = —4P? + 184P — 1716 > 0 < 13 < P < 33.
Tu dé ta co6 M = 33;m = 13 = M? + m? = 1258.
Cach 2: St dung bat ding thicc Bunhiacopaki.
Goi z =z + yi, (z,y € R).
Taco|z—3—4i|l=VEa |z —3+(y—4)i| =5 (x—3)° + (y—4)° = 5.
Taco P=|z4+27—|z—i" = (422 +y> —[22+(y—1)?| = 4o+ 2y +3 = 4(z — 3) + 2(y — 4) + 23.
Ap dung BDT Bunhiacopxki ta co:
4z —3) + 20y — ) < 6T D[ =37 + (y— D7 = 10
& -10<4(r—3)+2y—-4) <10 13<4(x—3)+2(y—4) +23<33 < 13 < P < 33.
Tu d6 ta co6 M = 33; m = 13 = M? +m? = 1258.

P—4x—3
2

Chon dap an O
Cau 804. S6 phtic lien hop ciia s6 phiic z = 1 — 24 13
A1+ 2. B. —1—2i. C. 2—1. D. -1+ 2i.
Loi giai.
Ta c6z =1+ 2i.
Chon dap an @ 0
Cau 805. Cho hai s6 phiic 21, 2, théa man |z = 2, 2| = V/3. Goi M, N la cac diém biéu dién cho
21 VA izy. Biét MON = 30°. Tinh S = |2? + 423|.
A. 52 B. 3V3. C. 4V/7. D. V5.
Loi giai.
Yy
2_,
M
oo ‘
| I
(0] o P
I N 2 3 x
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Ta co S = |22 + 423] = |22 — (2i29)?| = |21 — 2029 - |21 + 2029

Goi P la diém biéu dién ciia s6 phiic 2iz,. Khi d6 ta cé
21 — 2iza - |21 + 2ize| = ‘(7]\7 - 6_13] : ‘(71\7+ (713‘ - (FJ\?‘ : ‘257‘ —2PM - OI.
Vi MON = 30° nén ap dung dinh 1f cosin cho AOMN véi OM =2, ON = /3 ta c6
MN? = OM? + ON? = 20M - ON cos MON =4+ 3 — 4V/3 - c0s30° = 1 = MN = 1.
Khi dé6 theo Pitago ta c6 AOMN vuong tai N. Khi d6 AOMP c¢6 M N la duong cao dong thoi 1a

trung tuyén, tic 1a AOMP can tai M = PM = OM = 2.
OM?+0P? MP?

Ap dung dinh 1y duong trung tuyén cho AOMN ta c6 OI? = 5 1 7.
Vay S =2-PM -OI = 4/7.
Chon déap an @ OJ
Cau 806. Cho s6 phiic 2 = a + bi khéac 0, (a,b € R). Tim phan 4o ctia s6 phtic z71.
—b b a —bi
S B —. C. ——. D —.
a? + b? a? + b? a? + b? a? + b2
Loi giai.
T c6 o1 — I a-bi o« B b ;
Ca+bi @+ a2+b?2 @+ b2
Phéan &0 ciia s6 phtic 27! la ———.
an 4o cta so phtc z aa2+b2
Chon dap an (A) O
Cau 807. Tim s6 phtc lien hop ctia s6 phiic z = —i.
A i B. —1. C. 1 D. —i.
Loi giai.
S6 phiic lien hgp ctia s6 phiic 1a s6 phiic ¢6 dang z = a — bi.
Chon dap an @ O

Cau 808. Goi A, B lan luot 1a cac diém biéu dién clia céc sb6 phiic z; = 1 + 24, 2o = 5 —i. Tinh do
dai doan thing AB.
A. /3T B. 5. C. 25. D. /5 + v/26.
Loi giai.
Tacozy=142i=A(1;2) vazn=5—1= B(5—1).

Suy ra AB =42+ 32 =5.

Chon dép an (B) O
Cau 809. Phan 4o ctia s6 phiic 2 = 5 + 2i bang
A. 5. B. 5. C. 2. D. 2i.
Loi giai.
S6 phiic z = a + bi c6 phan 4o 1a b nén s6 phiic z = 5 + 2i ¢6 phan 4o 1a 2.
Chon dép &n (C) O
Cau 810. Phan 3o ctia s6 phtic z = 2 — 3i 1
A. -3. B. —3i. C. 2. D. 3.
Loi giai.
Phan 4o 1a —3.
Chon dap an @ O
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Cau 811.
Diém M trong hinh vé bén la diém biéu dién ctia s6 phiic z. Tim phan thyc va y v
phan 4o clia s6 phiic z. 4dr-----m

A. Phan thyc 13 4 va phan 4o 13 3. B. Phan thyc 13 3 va phan 4o 1a 44. i

C. Phan thyc la 3 va phan 40 1a 4. D. Phan thuc 1a 4 va phan 4o 1a 3i. |

0 é T

Lo giai.
Diém M (3;4) la diém biéu dién ctia s6 phitc z = 3 + 4i.
Chon dap an @ O
Cau 812. Cho s6 phiic z thoa méan z(1 +4) = 3 — 5i. Tinh modun cia z.

A |z] = 4. B. |z| = V1T C. |z| =17. D. |z| = 16.
Loi gii.
Taco 2(1+1i) =3 —5i < z = 31 +5; - ((31 +‘?))(<11_ Z,Z)) — 1 4i. Suy ra |2| = V7.
Chon dap an O

Cau 813. Trong mat phing toa do Ozxy, goi M, N, P lan luct 1a cac diém biéu dién céc s6 phiic
2 =141, 20 =841, z3 =1 — 3i. Khing dinh nao sau day la mot ménh dé ding?

A. Tam giac M NP can, khong vuong. B. Tam giac MNP déu.
C. Tam gidc M NP vuodng, khong can. D. Tam giac M N P vuodng can.
Loi giai.

Ta c6 M(1;1), N(8;1), P(1;-3).
nen MN = (7;0); MP = (0; —4); NP = (—7; —4) va MN = 7; MP = 4; NP = \/65.
Ngoai ra M N - MP = 0 nén tam giac M NP vudng tai M nhung khong can.

Chon dap an @ O
Cau 814. Tim phan 4o ciia s6 phiic z = 8 — 12i.

A —12. B. 18. C. 12. D. —12s.
Loi giai.

Phan 4o clia s6 phiic z = 8 — 127 1la —12.
Chon dap an (A) O

Cau 815. Cho sb phiic z = 2018 — 2017i. Diém M biéu dién ctia s6 phiic lien hop cta z 13
A. M(—2018;2017). B. M (2018;—2017). C. M(—2018;—-2017). D. M(2018;2017).
Loi giai.
S6 phtic lién hgp ciia z = 2018 — 20177 1a 7 = 2018 + 2017:.
Suy ra diém biéu dién ctia z 1a M (2018;2017).

Chon dap én (D) O
Cau 816. Phan 4o ctia s6 phiic z = 2 — 3i 1a

A —3u. B. 3. C. -3. D. 3i.
Loi giai.

Phan thyc clia z biang 2 vA phan 4o clia z bang —3.
Chon dap an @ O

Cau 817. Cho hai s6 phtic 21 = —1+ 2i, 2o = —1 — 2i. Gi4 tri ctia biéu thic |21]2 + |z2]2 bang
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A. V10. B. 10. C. —6. D. 4.
L&i giai.

Ta ¢6 |21 = /(-1 + 22 = V5 |20 = /(-1)* + (~2)° = V5,
2 2
a1* + ]2 = (V5) + (V5) =10.
Chon dap an 0
Cau 818. Cho s6 phiic z = —3 + 4i. Goi M la diém biéu dién s6 phitc z. Tung do ctia diém M

la
A. 6. B. 4. C. —4. D. —6.
Loi giai.
Z = —3 — 4i nén tung do diem M la —4.
Chon dap an @ OJ
Cau 819. Tim phan thyc va phan 4o ctia s6 phiic 2 = 1 — mi.
A. Phan thyc 1a 1 va phan 4o 1 —7. B. Phan thyc 1a 1 va phan ao la 7.
C. Phan thuyc 13 1 va phan 4o 1a —mi. D. Phan thyc 1a —1 va phan 4o 1a —.
Loi giai.

— Theo dinh nghia s6 phtic ¢6 dang z = a + bi véi a,b € R thi c6 phan thic va phan 4o tuong
ung la a va b.
— Vay s6 phiic 2z = 1 — i ¢6 phan thuc 1a 1 va phan 4o 1a —.
Chon déap an @ OJ

Cau 820. Trong mat phang phic, goi A, B, C, D lan luct la céc diém biéu dién cac s6 phiic
z1=—1414, 20=1+2i, 23 =2—1, z4 = —3i. Goi S dién tich ti giac ABC'D. Tinh S.
17 19 23 21

Loi gidi.

Tacoz =—-14+i= A(—1;1);

29 =1+ 2i = B(1;2);

z3=2—1=C(2;-1);

2= —3i = D(0; —3).

AB =+/5, AC = V13, BC = V10, AD = V17, CD = 2v2.
AB+ AC + BC 5+ 13+ /10

Do do: p, = 5 5
— AB — BC — AC 7
Dién tich tam giac ABC' 1a Saapc = \/pl(p1 )(p12 )1 ) =5
AD+CD+ AC V174 2v2+ V13
P2 = = .
2 2
Dién tich tam gidc ACD 1a Spacp = \/pg(pg — AC)(py — AD)(p, — CD) = 5.
7 17
Vay dién tich tit giac ABCD 1a Sapecp = Saasc + Saacp = 3 +5= 5
Chon dap an @ OJ
Cau 821. Cho s6 phiic z = 5 — 4i. Modun ctia sd phiic z bang
A. 3. B. 9. C. V41, D. 1.
Loi giai.
Ta c6 |2 = /52 + (—4)2 = V/41.
Chon dap an @ O
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Cau 822. Tim phan 4o ctia s6 phiic z = 5 — 8i.
A. 8. B. —&:. C. 5. D. -8.
Loi giai.
Theo sach gido khoa ta thay z c6 phan 4o 1a —S8.
Chon dap an @ O

Cau 823. Cho sb phiic z théa man z — 3 + 7 = 0. Modun clia z bang bao nhiéu?
A. V10. B. 10. C. V3. D. 4.
Loi giai.
Ta c6 |z| = |[Z] = |3 —i| = V10.
Chon dap an @ O

Cau 824.

Diém nao trong hinh vé bén la diém bi¢u dién ctia s6 phiic y

z=(1410)(2—1)? N
A P. B. M. C. N. D. Q.

S

Loi giai.
Taco: z=2—1i+2i—i>=3+1.
Chon dap én@ 0

Cau 825. Trén mat phang tap hop céc s phitc 2 = z + yi thda man |z + 2 +i| = |z — 3i| 1a duong
thang c6 phuong trinh

Aly=x+1. B y=—-z+1 C.y=—-x—-1 Dy=z-1
Loi giai.
Taco |z+2+i|=z=3i]l & [(z+2)+ (y+1)i| =z — (y+3)i| & (z+2)*+ (y+1)? = 2% + (y + 3)?
Sdr+4+2y+1=6y+9<r—-—y—1=0.
Chon dap én@ O

Cau 826. Diém biéu dién clia cac s6 phiic z = 7+ bi v6i b € R nam trén dudng thang c6 phuong
trinh 1a

A y=T. B.z=T. Cy=x+T. D.y=u=x.
Loi giai.
Diém biéu dién clia céc s6 phitc z = 7+ bi véi b € R 1a M (7;b). D& thay cac diém M(7;b) nam trén
dudng thang z = 7.

Chon dép an (B) O
Cau 827. S6 phiic lién hop ciia s6 phiic z = 2 — 37 1
A Z=3+2. B. z=3-2. C.Z2=2+ 3i. D.z=-2+ 3.
Loi giai.
S6 phtc lien hop clia z =2 — 3i 1A 7 = 2 + 3i.
Chon dap an @ O

Cau 828. Cho miit phing Oxy, diém nao sau day biéu dién sé phic 2z = 2 + ?

Suu tam € bién soan Th.s Nguyén Chin Em 204 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

A. M(2;0). B. N(2;1). C. P(2;-1). D. Q(1;2).
Loi giai.
Xét z=2+1i= N(2;1).
Chon dap an O

Cau 829.
Trén mit phang toa do, sé phiic z = 3 —4¢ dude bicu dién béi diem y
nao trong cac diém A, B, C, D? B

A. biém D. B. Diém B. C. Diém A. D. biém C.

—4 0] 3 T
i -3
C
74 ,,,,,,,

Loi giai.
Trén mat phang toa do, s6 phiic z = 3 — 4i dugc biéu dién béi diém c6 toa do 1a D(3; —4).
Chon dap an @ O
Cau 830. S6 phitc z = 2 — 3i ¢6 diém biéu dién la

A. N(=3;2). B. P(3;2). C. M(2;-3). D. Q(2;3).
Loi gidi.
Diém biéu dién s6 phitc z = 2 — 3i 1a M (2; -3). .
Chon dép an (C) O
Cau 831. Trong mat phang toa do, diém A(4;5) 1a diém biéu dién s6 phiic nao trong cac s sau?

A z=—4+ 5. B. z=—-4-"5. C. z=4-"5. D. z=4+ 5.
Loi giai.
Chon déap an @ OJ
Cau 832. Trong miit phing toa do Ozy, diém biéu dién sé phitc z = 2 — 3i 1a diém

A. M(3;2). B. N(-3;2). C. P(2;-3). D. Q(2;3).
Lo gii.
Trong mat phing toa do Oxy, diém biéu dién s6 phiic z = 2 — 3i 1a P(2; —3).
Chon dép &n (C) O
Cau 833. Mo-dun ctlia s6 phiic z = 8 — 6i bang

A. 14. B. 2. C. 100. D. 10.
Loi giai.
Ta c6 |z| = v62 + 82 = 10.
Chon dap an @ 0
Cau 834. Phan 4o ctia s6 phiic 2 =1 — i la

A -1 B. 1. C. i D. —i.
Lo giai.

S6 phiic z = 1 — i ¢6 phan 4o la —1.
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Chon dap an @ O

Cau 835. Trong mat phing toa do, tap hop céac diém biéu dién ctia s6 phitc z thda man 1 < |z| < 3
13 mot hinh phéng c6 dién tich 1a

A. 2. B. 4r. C. 8. D. 7.
Loi giai.
Phan hinh phéng can tinh dién tich 14 phan nim gitta hai hinh tron
dong tam c6 ban kinh lan lugt 1a 1 va 3, nhu vay dién tich can tim

aS=nr-3%-7n-1>=97r — 7 = 8.

Chon dap an @ O

Cau 836. S6 phiic z = a+ bi (a,b € R) 1a s6 thuan do khi va chi khi
A a=0;b#0. B. a#0;b=0. C.a=0. D. b=0.
Loi giai.
Theo dinh nghia trong sach giao khoa.
Chon dap an @ O

Cau 837.
S6 phiic z = a + bi (a,b € R) c6 diém biéu dién nhu hinh vé bén. Tim a, Y,
b.
A a=-4,0=3. B.a=3b=—4.
C.a=30b=4 D.a=—4,b= -3,

Loi giai.

T hinh vé suy ra a = 3, b = —4.

Chon déap an OJ
Cau 838.

Diém nao trong hinh vé bén duéi la diém biéu dién sé phiic z = Y
1+ 3i 3l .y
A.Diém Q. B. biém P. C. Diém M. D. Diém N. l

L&i giai.
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z =1+ 3i = Diém biéu dién ctia 2 ¢6 toa do 1a M(1;3).

Chon dap an @ O
Cau 839. Cho s6 phiic z = m+ 3+ (m?—1)i, véi m 1a tham s6 thuc thay doi. Tap hop cac diém biéu
dién s6 phiic 2 thuoe duong cong (C'). Tinh dién tich hinh phang gidi han béi (C) va truc hoanh.

AS B. . c. L D. 2
3 3 3 3
Loi giai.
rT=m+3
Tacoz=m+3+(m*—1)i=x+vyi= y

y=m?—1
=y=(r—-3)?—-1=2%—-06z+8.
Phuong trinh hoanh do giao diém ciia (P) va truc hoanh 1a
2\/4

2 —6r+8=0=>1=22=4

4
> N 4
Dién tich hinh phang can tinh la / —(2* — 62+ 8)dx = 3

2

Chon dap an O
Cau 840. Mo-dun ciia sb6 phtic z = —4 + 37 1

A —1. B. 1. C. 5. D. 25.
Loi giai.

Mb-dun ciia s6 phiic la
|z| =4/ (—4)2 4+ 32 =5.

Chon dap an @ O
Cau 841. Cho hai s6 thuc x, y thod man phuong trinh z + 2i = 3 + 4yi. Khi d6 gié tri clia z va y
la
. 1 1 1

A.x:3@,y:§. B.z=3y=2 C.sz,y:—a D.x:?),yzé.

Loi giai.
r=3 T =3

Tacor+2i=3+4yi & & 1-
Chon dap an @ OJ
Cau 842. Cho s6 phiic z = —2 + 4. Diém nao dué6i day 1a diém bicu dién ctia s6 phiic w = iz trén
mat phang toa do?

A M(-1;-2). B. P(-2;1). C. N(2;1). D. Q(1;2).
Loi giai.
Véi z = —2+itacow=iz=i(—2+1i) = —1— 2i = diém biéu dién ctia w 1a M(—1;—-2).
Chon dap an @ OJ
Cau 843. Tim cac s6 thyc a va b thdoa man 2a + (b+ )i = 1 + 27 véi i 1a don vi o.

1
A a=0,b=2. B.azi,bzl. C.a=0,0=1. D.a=1b=2.

L&i giai.

2a—1=1 a=1
Taco2a+ (b+i)i=1+2ie2a—1+bi=1+2i< =
b=2 b=2.
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Chon dép an (D) O

Cau 844. Xét s6 phiic z thdéa man (z + 2i) (Z + 2) 1a s6 thuan do. Biét réing tap hop tat ca cac diém
biéu dién ctia z 1a mot duong tron, tam dudng tron dé c6 toa do la
A (1;-1). B. (1;1). C. (—1;1). D. (—1;-1).
Loi giai.
Giad st z = a + bi, (a,b € R), ta c6

(2 +20)Z+2) = [a+ (b+2)i][(a+2) — bi] = [aa+2)+bb+2)] + [(a+2)(b+2) — abi.

(z+2i)(z+2) lasd thuan d0 < ala+2)+b(b+2) =04 (a+1)*+ (b+ 1) =2.
Vay tap hop cac diém biéu dién clia z 1a mot duong tron ¢6 phuong trinh (z +1)2 + (y + 1) =2 ¢6
tam I(—1;—1).

Chon déap an @ OJ
Cau 845. Trong mat phing phic, tap hop cac diém biéu dién cac sd phic z théa mén z -z = 1
la

A. mot duong thang.  B. mot dudng tron. C. mot elip. D. mot diém.
Loi giai.

Goi 2z = z + yi (v6i z,y € R) dugc bieu dién béi diem M (x;y).

Tacoz-z=1&2%2+¢y?>=1.

Vay tap hop cac diém biéu dién ciia céc so phiic z 1a duong tron c6 tam O(0;0) va ban kinh R = 1.
Chon dap an O

Cau 846. Tap hop céac diém biéu dién s6 phiic z thoa man 2|z — 1| = |z + Z + 2| trén mit phang
toa do 1a mot
A. duong thing. B. duong tron. C. parabol. D. hypebol.
Loi giai.
Goi x = x +yi; x,y € R. Khi do

o —1=lz4+2+2 & 2(x—1)+yi|=|2c+2

& V-1 4y = (@t

& oy =Ada.

Vay tap hop cac diém biéu dién sb phtic z 1a mot parabol.

Chon dap an @ O
Cau 847. C6 bao nhiéu s6 phitc z thda man |z| = v/2 va 22 1a s6 thuan ao?

A. 4. B. 3. C. 2 D. 1.
Loi giai.

bat 2z =a + bi v6i a,b € R. Ta ¢6

+ |2| = Va2 + b2

+ 22 =a® — b® + 2abi

Theo gia thiét ta c6 { GZMQIQ { @+ =2
a?—b? =0 a = +b.

Hé nay c6 4 nghiém phan biét.

Chon dap an @ O
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Cau 848. Tim s6 phiic w = 3z + z biét z = 1 + 2i.

A w=4+ 4. B. w=4-4. C.w=2—4. D. w =2+ 4.
Loi giai.
Tacow=32+2=3(1+2i)+1—-20=3+6i+1—2i=4+4i.
Chondépén@ O

Cau 849. Cho s6 phiic z ¢6 phan thyc 1a s6 nguyén va z théa man |z| — 2z = —7 + 3i + 2. Tinh
mo-dun clia s6 phiic w = 1 — 2 + 22
A. jw| = /37 B. |w| = V/457. C. |w| = V425. D. |w| = \/445.
Loi giai.
bat z=a+ W, v6i a € Z.
Theo dé bai ta c6

Va?+ b2 =2(a—bi) —7+3i+a+bi o Va?+0?>=3a—7)+ (3 -b)i. (%)
Suy ra 3 — b =0 hay b = 3. Khi d6 (x) trd thanh
7
CLZg
3a—72>0
Va?+9=3a—-7% N & a=4 Sa=
8a® — 42a +40 =0 5
“Ta

Vay 2=4+3i. Khidow=1—(4+3i)+(4+3%) =1—4—3i + 16 + 24i — 9 = 4 + 21i.

Do dé |w| = V4% + 212 = /457.

Chon dap an 0
Cau 850. Tap hgp diém biéu dién sb phitc 2z thda man |z — 1] = |z + 2i| 1a

A. Duong tron. B. Dudng thing. C. Parabol. D. Hypebol.
Lo gii.

Gia stt s6 phiic z = 2 + yi, (z;y € R) c¢6 diém biéu dién M (z;y). Khi dé ta c6

=1 =]z +2i] &z —1)2+y2 = /a2 + (y +2)2 & 20 + 4y + 3= 0.

Vay tap hop diém biéu dién sb phiic z 1a dudng thang 2z + 4y + 3 = 0.

Chon dap an O
Cau 851. Cho sb phiic 2 théa man |z| < 2. Gia tri nhd nhét ctia biéu thitc P = 2|z + 1| +2]z — 1| +
|z — Z — 4i| bang

14 7
A. 4+ 2V3. B. 2+ 3. C. 4+ ——. D .2+ —.

V15 V15
Loi giai.
Goi 2 = x + i, (r;y € R). Theo gia thiét ta co 2| <2 2 +y* <4 = -2<mz;y <2.
P=2z+1|4+2|z - 1|+ |z — Z — 4i]
= 2|z + 1] + 2[z — 1| + |2yi — 4i|
=2(lz+ 1+ 1 =2 +]y—2])
>2(lz—z+2/+|y—2|)

>2(2/1+12+2—y).
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Xét ham s6 f(y) = 24/1 + y? + 2 — y trén doan [—2;2], ta c6

2y 1
Y= —=—,fy)=02y=/1+12y=—.
() VT:?—lf@) Y veysg
1
Ma f (5 ) =24 VB F(-2) =44 205, f(2) = 245
1
Suy ra min =924+ +v3khiy=—.
y [Qﬂﬂw V/3 khi y 7
IbdéP22@+w@):4+%@.
1 , 1
= — e — 1
Vay min P = 4 + 2v/3 khi V3 o V3 o= i
_ = _ V3
2=z r=0
Chondépén@ O

Cau 852. Tim sb phiic 3z + z biét z = 1 + 2i.
A 3z+Zz=4+4. B. 32+7z=4— 4. C. 3z4+z2=2—-4i. D.3z2+Zz=2+4i.

Loi giai.
2=142i=2=1-2i=32+z2=3(1+2i)+1—2i =4+ 4.
Chondépén@ OJ
Cau 853. Cho s6 phiic z = a + bi, (a,b € R) théa man z — (2 + 3i)z = 1 — 9. Gia tri ctia ab + 1
bang

A —1. B. 0. C. 1 D. —2.
Loi giai.

Tac6 z=a+bi, (a,b eR) =Z=a—bi.

—a—3b=1 a=2
Nena+bi—(2+3i)(a—bi)=1-9 < &
3a—3b=9 b= —1.

Vay ab+1 = —1.

Chon dap an @ O
Cau 854. Tinh mo-dun ctia s6 phtic z thoa man z(2 —i) + 13i = 1.
oV 34 34
A. |z| =34 B. |z| = 34. C. |z] = —3 D. |z| = g
Lo giai.
, , 1 — 13i (1— 13i)(2 +1) _
Ta c6 2(2 — Bi=1l&2z= Sz = < z=3-—0L
a co z(2 —1) + 13i z 5 z CESIEE) z i
Vay |z| = /32 + (=5)? = V/34.
Chon dap an @ O

Cau 855. Cho cac s6 phitc z thda man |z| = 4. Biét ring tap hop cac diém biéu dién cac s6 phiic
w = (34 4i)z + 4 la mot dudng tron. Tinh ban kinh r ctia duong tron do.

A r=4. B. r=5. C. r=20. D. r =22.
Lo giai.
Ta c6 |w —i| = (3 + 4i)z| = |3 + 4i||z| = /3% + 42 -4 = 20.
Suy ra tap hop diém biéu dién cho cac s6 phitc w 1a duong trong tam I(0;1), ban kinh r = 20.
Chon dap an @ O

Cau 856. Cho s6 phiic 2z thoa man (2 + 3i)z — (1 +2i)z = 7 — 4. Tim mo-dun cia 2.
A. |z| = /5. B. |z| =1 C. |z| = V3. D. |z] =2.
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Loi giai.

Giastz=x+yt v6iz, y € R. Ta ¢

(2+3i)z— (1+2))z=7—1i

& 243 (z+yi) —(1+2i)(x—yi)=T7—1
(x=by)+(xr+3y)i=7—1

r—>by="7
T+ 3y =—1
=2

=
y=—1

Nhu vay z =2 —i = |z| = /22 + (—1)2 = /5.

Chon dap an (A) O
Cau 857. S6 nao trong cac s6 phiic sau 1a s6 thuc?
A (V3+2i) - (V3-2i). B. (34 2i) + (3 — 2i).
C. (5—2i) + (V5 —2i). D. (1+2i)+ (—1+2i).
Loi giai.
Ta c6 (3+2i)+ (3 —2i) =3+ 3=6nén (3+2i)+ (3 —2i) 1a s6 thuec.
Chon déap an OJ
Cau 858. Cho s6 phiic z thoa man (2 + 3i)z — (1 + 24)z = 7 — 4. Tim mo-dun cia 2.
A. |z = V5. B. |z] =1. C. |z| = V3. D. |z| =2.
Loi giai.

Goi 2 = a+ bi, (a,b € R) la s6 phiic théa man bai toan. Khi do, ta c6
(2+3i)(a+bi) — (1+2i)(a—bi)=T—1
< 2a—3b+ (3a+2b)i—[a+2b+ (2a—b)i]=T7—1
& a—5b+(a+3b)i=T—1i

a—5bb="7
=
a+3b=-1

a=2
=
b= —1.

Vay |z| = v/22 4 12 = /5.

Chon dap an @ OJ
Cau 859. Cho hai s6 phtic 2y, zp biét |21 + 22| = V3 va 21| = |22| = 1. Tinh |2 — 2|

A. |Zl—2’2| =1. B. |Zl—22|:\/§. C. |Zl—22|:\/§. D. |21—22|:3.
Loi giai.

Goi z1 =a+bi,zo =c+ di v6i a,b,c,d € R.
Taco |21+ 2| = V3 & (a+ )2+ (b +d)?2 =3 /(a2 +82) + (2 + d2) + 2(ac + bd) = /3.
21| = || =1 Va2 + 02 =V +d?=1.

Suy ra ac + bd = 7

T do ta c6 |21 — 22| = /(a — )2 + (b—d)? = \/(a® + 1) + (2 + d?) — 2(ac+ bd) = 1.
Chon dap én@ O
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Cau 860. Cho sb phiic z = a + bi (a,b € R) théa man z +3+i— |z[¢ =0. Tinh S = a +b.

A. 0. B. —1. C. -3. D. 1.
Lai giai.
d434i—eli=0@atbi+3+i— Va0 i=0s(a+3)+ (b+1— Va2 +07)i=0
a=-—3
a+3=0 a=—3
®{5+1_¢m:o‘:’{¢9+—wzb+1@ i=0
9402 = (b+1)>
a=—3 a=—3
a=—-3
S<Cb> -1 S<b>1 @{
9=20+1 |b=4 =
Vay S=a+b=-3+4=1
Chondépén@ 0
Cau 861.
Cho s6 phiic z = —1 + 2i,w = 2 — 4. Diém nao trong hinh bén bicu dién s6 Yy
phic z + w? N WP
A. P. B. N. C. Q. D. M. )
~11 o 1
M(Lﬁ—il 77777 J)Q
Lai giai.
Viz+w=—1+2i+2—i=1+1nén diém biéu dién la diem P(1;1).
Chondépén@ O
Cau 862. C6 bao nhieu s6 phiic z théa man |z — 1|° + |z — 2| i + (2 4+ 2) 202 = 1?7
A. 4. B. 2. C. 1. D. 3.
Loi giai.

Goiz=a+bi=Z=a—0biv6iabeR. Taco

— lz=1 =la+bi — 1" = (a — 1)* + b2

— |z —Z|i = |a+bi — a+bi]i = \/(2b)% = 2Jbli.
;2019 _ ;4-504+3 _ (i4)504-z‘3 2=

— (2 +2)i® = —i(a+ bi +a— bi) = —2ai.
Khi d6 ta suy ra (a — 1)* + b* 4 2|bli — 2ai = 1.

b =0
(a—1)°+0*=1 a?> —2a+b* =0 216 — 2/b| = 0 a=1
& & & bl=1 &
2[b| —2a=0 a=|b| a = |b| b
a = [b]

I
—
S Q
(I
| —

=

Vay ¢6 3 s6 phiic z théa man.
Chon dap an @ O

Cau 863. Cho sb phiic z = 2 — 3i. Mo-dun ctia s6 phitc w = 2z + (1 +7)Z bang
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A. 4. B. 2. C. V10. D. 2¢/2.
Loi giai.
Tacéw=2(2—3i)+ (1 +i)(2+3i) =4 — 6i + 2+ 3i +2i +3i*> =3 —i.

Vay |w| = /3% + (=1)2 = V/10.

Chon dap an @ O
Cau 864. Cho s6 phtic z = 2 — 3i. Mo-dun clia s6 phiic w = Z + 22 bang

A. 3V/10. B. v/206. C. V134. D. 3v2.
Loi giai.

Tacow=2+43i+(2—3i)2=2+3i+4— 12 +9i2 = =3 — 9i.

Vay |w| = /3% + (=9)2 = 3V/10.

Chon dap an (A) O

Cau 865. Cho hai s6 thuc z, y thoa man x(3+2¢) +y(1 —4¢) = 1+ 244. Gia tri cia x +y bang
A. -3. B. 4. C. 2. D. 3.
Loi gii.

Ta co

r(34+20)+y(l—4i)=14+24i & 3o+y+ (2x—4y)i=1+24i
dr+y=1
20 — 4y = 24
T =2
=
y = —5.
Vay o +y = —3.

Chon dap an @ OJ

Cau 866. Tap hgp céac diém biéu dién cac s6 phiic z théa man |z — 1+ 4| = 2 1a dudng tron cé tam
va ban kinh lan luct 1a

A.I(-1;1), R=4. B.I(-1;1),R=2.  C.I(1;-1),R=2. D.I(1;~-1), R=4.
Lo giai.
Goi 2 = x + i, (r,y € R) la s6 phiic théa man bai toan.
Goi M(z;y) 1a diém biéu dién s6 phic 2.
Taco|z—1+i| =26 [z—1)+y+1)i| =2 /(e -1+ (y+1)? =2 (z—1)>+(y+1)* = 4.
Vay M thuoc dudng tron tam 7(1; —1), ban kinh R = 2.
Chon dép &n (C) O

Cau 867. Tim tap hop céac diém biéu dién cic s6 phiic z théa man |z + 2| = |z — i| 1a mot duong
théng c6 phuong trinh

A dr+2+3=0. B 2r4+4y+13=0. C.40—2y+3=0. D.2zr—4dy+13=0.
Loi gidi.
Goi z = x + yi, (z,y € R) la s6 phiic théa man bai toan.
Khi d6 M (x;y) la diém biéu dién s6 phitc z trong mat phang phiic.
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Ta co

z+2/=]z—1] & |z+24vyi] =]+ (y— 1)
oVt ey = a2y (y - 1)
o 4dr+d+ PP =+ -2y +1

& dr+2y+3=0. ()

Dang thtic (%) ching t6 M thudc dusng thang c6 phuong trinh 4z + 2y + 3 = 0.
Vay tap hop cac diém bicu dién s6 phiic z thoa man bai toan la duong thang 4z + 2y + 3 = 0.

Chon dap an @ O

Cau 868. Cho s6 phiic z = 1 + 2i. Tinh téng phan thuc va phan 4o clia s6 phiic w = 2z + Z.
A. 3. B. 5. C. 1 D. 2.
Loi giai.
Ta c6 w = 2(1 + 2i) + (1 — 2i) = 3 + 2i. Suy ra téng clia phan thiyc va phan 4o clia w 14 3 +2 = 5.

Chon dap an O

Cau 869. Tim tap hop diém biéu dién ctia sé phiic z théa man |z —i| = |(1 +i)z].

A. Duong tron tam I(0;1), ban kinh R = v/2.

B. Duong tron tam I(1;0), ban kinh R = /2.
C. Dudng tron tam I(—1;0), ban kinh R = v/2.
D. Duong tron tam I(0; —1), ban kinh R = /2.

Loi gidi.

Goiz=a+bi= (1+i)z=(a—b)+ (a+b)i.

Vay

lz—i|l=|1+1)z| & Ja+ (b—1)i|=|(a—0b)+ (a+b)i
s d+b-172=(a—-b)?+(a+b)?
& ad?+b*+20—1=0.

Vay tap hop diém biéu dién ciia s6 phiic z 1a duong tron tam I(0; —1), ban kinh R = v/2.
Chon dap an @ O

Cau 870. Tim m6 dun clia s6 phiic z biét (22 —1)(1+14i) + (z+1)(1 —1) = 2 — 2.

1 V2 2 1
A. =, B. ~~. C. -, D. —.
9 3 9 3

Loi giai.
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bat z=a+bi v6i a,b € R. Khi d6 Z = a — bi va

(2:-1D(1+i)+EZ+1)(1—i)=2-2i

& 2=+ +E+D)1—i)—21—i)=0

& 211+ +EZ-1)(1—9)=

& 22—+ +EZ-1)(1—-9)(1+4)=0

& (2a+20i—1)-2i+2(a—bi—1)=0

& a—2b—1+(2a—b—1)i=0

- {a—2b—120® a:é
2a—b—1=0 b:_%

= |2l =V 1P = *f

Chon dap an (B) O

Cau 871. C6 tat ca bao nhiéu s6 phitc 2 théa man diéu kién ‘z + 2\/5‘ + ’z — Z\/g‘ = 6, biét z ¢6
mo6 dun bang v/57?
A. 3. B. 4. C. 2. D. 0.
Loi giai.
bat z =z 4+ yi v6i x, y € R.
C6 |z| = /5 = 2 thuoc dudng tron (C) tam O(0;0) ban kinh R = /5.
Goi M(x;y), E(0;v/5), F(0; —/5) lan lugt la cic diém biéu dién sb phiic z, iv/5 va —iv/5.
Ta c6 c = EF = 2¢/5 va )z+@\/_‘+‘z—2\/_‘ =6 ME+ MF =6.
Suy ra M thudc elip (E) c6 hai tiéu diem 14 E, F € Oy do dai truc 16n @ = 3 nam trén Oy va truc
bé b = +v/a2 — 2 = 2 nim tren Ox.
Suy ra b < R do d6 elip (E) c¢6 phan nim trong dudng tron (C) do d6 (E) va (C) c¢6 bon diém

chung. Mat khac z 1a giao diém ctia (C) va (E) nén c6 4 s phiic 2z thda man diéu kien.

Chon dap an @ 0
Cau 872. Cho sb phiic z = 1 — 4. Biéu dién s6 phiic 22 la diém

A M(=2;0). B. N(1;2). C. P(2;0). D. Q(0; —2).
Lai giai.

Taco 2?2 =(1—i)2=1—2i+4>=—2i.

Do d6, diém biéu dién s6 phiic 22 1a diém Q(0; —2).

Chon déap an @ O
Cau 873. Cho hai s6 phiic 21, 25 thda man cac dicu kien |z1| = |22 = 2 vA |21 + 220] = 4. Gia tri

clia |2z; — 29| bang

A. 24/6. B. V6. C. 316. D. 8.

Loi giai.
Gid st 21 = a+bi, (a, b € R); 2 = ¢ + di, (c, d € R).

|21] = 2 a4+ b =4
Theo gid thiét ta c6 < |z| = 2 S+ d? =4

|21 + 22| = 4 (a+2¢)° + (b + 2d)* = 16
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a>+b* =4 (1)
Sl +d*=4 (2)
@’ + 0 +4(F+d*) +4(ac+bd) =16 (3).
Thay (1), (2) vao (3) ta dugc ac + bd = —1. (4)
Ta 6 221 — 25| = /(20 — ¢)? + (2b — d)? = \/4(a® + b?) + (2 + d?) — 4(ac + bd). (5)
Thay (1), (2), (4) vao (5) ta c6 |2z, — 2| = 2V/6.
Chon dap an @ O
Cau 874. Cho s6 phtic z = a+bi v6i a,b € R théa man z+1+3i— |z]i = 0. Tinh S = 2a+ 3b.
A §=-5. B. §=5. C. §S=—-6. D. §=6.
Loi gidi.

T gid thiét ta co

a=-—1
a+1=0 a=—1
(a+1)+ (b+3— Va2 +1?)i=0x e {b>-3 &
b+3—Va>+b2=0 p— 2
(b+3)=0"+1 3
Vay S =2a+3b=-2—4= —6.
Chon dap an (C) O

Cau 875. Tap hgp tat ca cac diém biéu dién s6 phiic z théa man |z + 2 — i| = 4 14 dudng tron co
tam 7, ban kinh R. X&c dinh toa do diém I va ban kinh R.

A I(2,-1), R=2. B. I(-2;-1), R=4. C.I(-2;-1),R=2. D.I(2;-1), R=4.
Lo gidi.
Taco|z4+2—i|=|z+2—i|=[Z+2+i=]z—(-2-1i)| =4
Vay tap hop diém biéu dién s6 phiic z la dudng tron tam I(—2;—1), ban kinh R = 4.

Chon dap an O
Cau 876. Cho sb phiic z # 1 théa man z* = 1. Tinh (1 — 2z + 22018)(1 + 2 — 22018).

A 1. B. 3. C. 4. D. 2.
Loi gidi.

Tt 23 =1 suy ra 22018 = (2%)672. 22 =22 Vi22 + 2 +1=0nén

(1—2+220)14+2-228) =(1—-z2+2)1+2-22)=1—(2—2%)?
=l-(-Al+(z-2)]=4—1+z2+2%) =4

Chon déap an @ OJ

Cau 877. Cho hai s6 phtic z, w thay doi thod man |z| = 3, |z — w| = 1. Biét tap hop diém ctia s6
phtic w 1a hinh phang H. Tinh dién tich S ctia hinh H.

A. S =20m. B. S = 16m. C. §=A4nr. D. S =127.
Loi giai.
Goi M, N lan lugt la diém biéu dién ciia s6 phiic z, w. Suy ra M nam trén duong tron tam O, ban
kinh bang 3.
Vi|z—w|=1nén MN =1, do d6 N nam trén duong tron tam O ban kinh bing 4 hodc bang 2.
Suyra S =42.7—22.1 = 12m.
Chon dap an @ O
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Cau 878. Cho cac s6 phiic z thda man |z| = 2. Biét ring tap hgp cac diém biéu dién sé phiic
w =3 —2i+ (4 — 3i)z 1a mot duong tron. Tinh ban kinh r ctia dudng tron do6.

A.r=20. B. r=5. C. r = 10. D. r = 25.
Loi giai.

Ta cb
w=3-2i+4-3i)zw—(3-2i)=(4-3i)z & |w—(3—-2i)| =[(4—3i)z| & |w—(3—2i)] = 10.

Vay r = 10.

Chon dap an @ O
Cau 879. Tinh dién tich hinh phang gidi han bdi cac diém biéu dién céc sé phiic théa man |z +2 —
i| + ]2 — 4 —i| = 10.

A. 15m. B. 207. C. 127. D. Dap an khac.
Loi giai.
Goi M la diém biéu dién ctia s6 phiic z, F1(—2;1), Fy(4;1), ta y
co: F1F, = 6.

Diéu kien da cho tuong duong MEF, + M F, = 10. Do dé tap
hop cac diem M laelipc6 2c = F1F, =6 = ¢ =3, 2a = 10 =
a=>5. Suy ra b= 4.

Vay dién tich elip la S = mab = 207.

Chon déap an OJ
Cau 880. C6 bao nhiéu s6 phitc z thda man |z| = v/2 va 22 1a s6 thuan 40?

A. 4. B. 3. C. 2 D. 1.
L giai.

Dit z = a+bi v6i a,b € R. Ta c6 |z] = Va2 +b? va 2% = a® — b? + 2abi. Theo gia thiét ta c6

a? 4+ b* =2 a?+ b =2
=
a> = =0 a = +b.
Hé nay c6 4 nghiém phan biet (1;—1), (1;1), (=1;1), (=1;—1).
Chon dap én@ ([l

Cau 881. Tinh modun ctia s6 phiic z thod man 3z - z + 2017 (2 — z) = 48 — 20161

A. |z =4. B. |z| = v/2016. C. |z| = v2017. D. |z] =2.
Loi giai.
Gia st z = a + bi, tU gia thiét ta c6 3|z|* = 48 — 20160 — 20 - 2017; = 48 (vi |z|> € R), suy ra |z| = 4.
Chon dap an @ 0
Cau 882. Cho s6 phiic z = a + bi, (a,b € R) théa man z +2+i — |z|(1 +¢) = 0 va |z| > 1. Tinh
P=a+0.

A. P=3. B. P=-1. C. P=-5. D.P=T.
Lo gidi.

Suu tam € bién soan Th.s Nguyén Chin Em 217 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Tacoz+2+i—|z|(1+i) =0 2= (|z] —2) + (]z| — 1) 1.
Lay mo-dun hai vé, ta duge |z| = \/(|z| — 2%+ (|z] = 1)*
|z =1 loaido |z| >1

= 22 =2|z2 -6z +5 = :
|z| =5  thoéa |z| > 1

Vi |z| =5= 2= (2| —2) + (J]z| = 1)i = 3 + 4i.

Suy raa =3, b=4.

Vaya+b=T.

Chondépén@ OJ

Cau 883. Cho s6 phiic z théoa man (2 — 3i)z + (4 + i)z = —(1 + 3i)%. Xéc dinh phan thyc va phan

40 cla z.

A. Phan thyc 13 —2; phan 4o 1 3. B. Phan thyc 1a —3; phan 4o 1a 5i.
C. Phan thuyc la —2; phan 4o 1a 5i. D. Phan thyc 1a —2; phan 4o 1a 5.
Loi giai.
G01z—a—|—bz(abER) = Z=a—bi, taco
(2= 30)2+ (441)Z = —(1430)% & (2—3i)(a+bi)+ (4+i)(a—bi) = 8—6i < 3a+2b— (a+b)i = 4—3i.

3a—i—2l)—4 a=—
Do dé
a+b=3 b=

Vay z = -2 + 5.

Chon dap an @ O
Cau 884. Cho s6 phiic z théa méan z —4 = (i + 1)|z| — (32 +4)i. Ménh dé nao dudi day dung?
A |z] € (6;9). B. |z] € (4;6). C. |z| € (1;4). D. |z| € (0;1).
Lo gidi.
Ta co

z—4=(i+1)]z]| — (32 +4)i
&S (1+3)z=A+]z]) + (2] —4)1.

Lay mo-dun hai vé, ta duge

143 |2 = V(4 +12)° + (2] — 4)°

S10zP =2 +32 |2 =4 |z| =2

Chon déap an @ OJ

Cau 885. Trong mit phiang Ozy, tim tap hgp cac diém biéu dién s6 phitc 2 thda man |z — (2—3i)| <
2.

A. Mot dudng thang.  B. Mot hinh tron. C. Mot duong tron. D. Mot duong Elip.
Lo giai.
bat z =2 +yi (z, y € R).
Khido, |2—(2-3i)| <2 & |o+yi—(2-31)| <2 & |(z—2)+(y+3)i| £ 2 & (v —2)*+ (y+3)* < 4.
Suy ra tap hop céac diém bicu dién s6 phiic z ndm bén trong hinh tron tam I(2; —3), ban kinh R = 2.
Chon dap an O
Cau 886. Cho s6 phiic z = a + bi, (a,b € Z) théa man (2 + 3i)|z| = (4 + 3i)z — 15(1 — ¢). Tinh
a—b.
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A —1. B. 3. C. 5. D. 7.
Loi giai.
Ta thay
(24 30)|z] = (4 + 3i)z — 15(1 — 1)
S 2Va?+ 0?2+ 3Va? + b% = (4da — 3b — 15) + (3a + 4b + 15)i
2vVa? +b* =4a—3b— 15
=
3va? + b? = 3a + 4b + 15.
Tu hé (I) ta duge 6a — 17b — 75 = 0. (1)

a=4
Via,bGZnéntiI(l)tadUQc{b =a—-b="T.
— -3

Céach khac:

Ta co

(24 3i)|z| = (4 + 3i)z — 15(1 —4)
& 25z = (17|z|+ 15) + (6]z]| — 15-7) 4
25a = 17|z| + 15
=
25b =6|z| —15-7
=  25(a—0b) =11|z| + 15-8. (2)
Mat khéac, ta co

(24 30)|2| = (4 + 3i)z — 15(1 —4)
& (4+30)z = (2+30)|2| +15(1 — 1)
& 25022 = (2]2] + 15)* + (3]2] — 15)?
= |z|=5. (3)

T (2) va 3 tadugca —b=171.

Chon dap an @ O
Cau 887. Tim s6 phtic z théa man z + 2 — 3i = 2z.

A z=2+1. B . z=2-1. C.z2=3-—2. D. z=3+1.
Loi giai.

bat z = a + bi v6i a, b € R. Khi do

a+2=2a a=2
(a+bi)+2—3i=2(a—bi) < & = z=2+1.
b—3=-2b b=1
Chon dap én@ O
Cau 888. Tim s6 phiic z = a + bi (véi a, b 1a cac s6 thuc va a® + b* # 0) thdéa man diéu kién
Z(2+i—2) = |2]?. Tinh S = a® + 2*> — ab
A S=3. B. §S=-1. C. 5=2. D S=1.
Loi giai.
2a + b = 2(a® + b*)

E(2+i—z)—\z|2<:>(a—bi)(2+i)—2(a2+b2)<:>{
a—2b=0.
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Thay a = 2b vao phuong trinh thtt nhat ctia he, ta duge

1 1
b=-=>a=1 b=—
5b = 2 - 5b* <> 5b = 10b* < 2 & 2 (Do a* + b* #£0).
b=0=a=0 a=1
Vay S =a? 420> —ab=1.
Chon dap én@ O
Cau 889. Tim modun clia s6 phiic z thdéa man diéu kien z(4 — 3i) = 2 + |z|.
1
A |z| =2 B. |z| = 3" C. |z| =4. D. |z] = 3.

Loi giai.
Dat z =2+ yi v6i z, y € R. Ta c6

dr 4+ 3y =2+ /22 +y?

(x+yi)(4—3i) =24+ 22+ > &
—3r+4y =0.

4
Thay z = gy, ta co

4 16y2
4.3y =2+ /25 412 e 25y —5ly| = 6.
>0 3:> 2t 51 1
—_— T = — = - = —.
y >0, suy ray %O x 45,acoz 5
— y <0, suyray:5:>:v:B,tru’@nghopnayloai.

Cach khac: Lay mo-dun hai vé ctia dang thic, suy ra
. 1
24— 3i)| = |2+ [2l] & 5lz| =2+ ]| & |2 = .

Chon dap an O
Cau 890. Tap hop cac diem biéu dién s6 phtic z théa man |z — 4| = |[(1 + i)z| 14 mot dudng trom.
Tam cua dudng tron dé co toa do la
A (1;1). B. (0;—-1). C. (0;1). D. (—1;0).
Loi giai.
Gia st z = x + yi, v6i x,y € R. Ta c6
|z +yi —i| = [(144)(z + yi)|
2+ (y = Vil = |z —y + (z + y)il
2?4y -1 =(r—-y)?*+ (@ +y)’
4y 4+ 2y—1=0
2+ (y+1)7° =2

L R

Vay tap hop cac diém biéu dién sb phiic z 1a dudng tron tam 7(0; —1), ban kinh R = /2.
Chon dap an O
Cau 891. Cho hai s6 phitc z, w théa man cac dicu kien |z + w| = V17, |z + 2w| = /58 va
|z — 2w| = 5v/2. Gia tri ctia biéu thiic P = Z - w 4 2w bing

A 1 B. 2. C. 4. D. 3.
Lo gidi.
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Taco |z4+wf?=z+w)(Z4+W)=2-Z+w - W+ 2 -wW+wz = 1T. (1)
Lai ¢6 |z +2w|*> = (2 + 2w) (Z 4+ 2W) = 2 - Z + 4w - W + 22 - W + 2wz = 58. (2)
Thém ntta |z — 2w|? = (2 — 2w) (Z — 2wW) = z - Z + 4w - W — 22 - W — 2wz = 50. (3)

Tu (1), (2) va (3) ta duge hé phuong trinh
Z2Ztw-w+z-w+wz =17 2:Z2=72
2-Z4+4w - w+2(z-w+wz) =58 & Qw-w =13
z2-Z+4w -wW—2(z-w+ wz) =50 2 W+ wz = 2.
Vay z - w + wz = 2.
Chon dép an (B) O
Cau 892. Cho sb phiic z théa man (3 + 2i)z + (2 —4)? = 4 + ¢. Hiéu phan thuc va phan 4o ctia s6
phitic z la
A 2. B. 3. C. 1L D. 0.
Loi giai.
Ta co
(3+2i)z+(2—i)> =4+
B+2i)z=4+i—(2—1)

(34 2i)z2=1+5i
145

*T 3%
& z2=1+1.

r ¢

Suy ra phan thic 1a 1 va phan 4o 1a 1.
Vay hiéu phan thyc va phan 4o ctia s6 phiic z 1a 0.

Chondépén@ O
) ) ) — 2
le&m.CmmommCzﬂ@ammm1+oz—@—0223;M@&mcmm6mma:Zl “ la
— i
122
A V12 B V10 o VB p Y12
5 2 4 2
Loi giai.
Goiz=a+0bi (a,b€eR) =Z=a—bi.
Ta co
(14+9)z—(2—-i)z=3
& (1+i)(a+bi)—(2—i)(a—bi)=3
& —a+ (2a+3b)i =3
—a=3
=
20 +3b=0
a= -3
=
b=2
= z=-3+ 2
22 i —2(—3+2i — 3 1
Dodéwzl ,.Z:Z ( 3.+ Z):6 3.Z:9+§i:>|w|:3_\/_0'
1—2 1—2 1—2 2 2 2

Chon dap an (B) O
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Cau 894. Cho s6 phiic z théa man didu kién |z — 3 + 4i| < 2. Trong mat phang Oxy tap hgp diém
biéu dién s6 phitc w = 2z + 1 — ¢ 1a hinh tron c6 dién tich

A. S =25m. B. S =9r. C. §=127. D. S = 16m.
Loi giai.
T gid thiét tasuy ra 22 —6+8i| <4 & [22+1—14) — (T—9i)| <4 & |Jw— (7T—97)| < 4 nén tap
hop céac diém biéu dién cho w trong mit phing Ozy 1a hinh tron c6 ban kinh bing 4, do dé dien
tich hinh tron nay bang 16m7.

Chon dap an @ O
Cau 895. C6 bao nhieu s6 phtic z théa man diéu kien |z +i + 1| = [z — 21| va |z = 1.

A. 0. B. 2. C. 1. D. 4.
Loi giai.

Goi z =z +4yi v6i z, y € R.

Theo gia thiét [z| =1 < 2> +y* =1 (1). Mat khac
lz+i+1=Z-2il < |z+yi+i+ 1| =|r—yi— 21
[z + 1)+ (y + )i = [z = (y + 2)i

V0 + 12+ (y+1)2 = /a2 4 (y +2)2
(+1)2+@y+1) =2+ (y+2)?

S A

r—y—1=0&y=a—-1.

Thay y =2 — 1 vao (1), tadugc 22 + (z —1)? =1 22> —2r =0 &

r =1
Voiz=0=y=—-1=2=—1.
Viz=1=y=0=2=1
Vay c6 2 s6 phiic z théa man bai.
Chon dép an (B) O

Cau 896. Cho zj, 2, théa man |2z —i| = |2 +1i2| vA |21 — 25| = 1. Gi4 tri clia biéu thitc P = |z, + 2|

bang
V3

A. R B. V3. C. V2.

Lai giai.
bat z =z +yi, (r,y € R. Ta co

5
D. g

2z —i| =2 +iz] & (22)* + 2y - 1) =2 -y +2* ©32* + 3y’ =3 2 +9° = 1.

Vay tap hop diém biéu dién ctia z la duong tron (C) tam O(0;0), ban kinh R = 1.

Goi A 1a diem biéu dién cla z; va B 1a diém biéu dién cta zy. Khi d6 ta co

— A, B thuoc (C);

— AB = |z — 2| = 1;
2 2 - x 5 2 PR3 e i N 2 o
— diém bieu dien cta so phiic 5 la trung diem [ cta AB, suy ra > . >
o1+ 2| = 2 |22 0071 — 2/0AZ — AT = V3.
Chon dap an O
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Cau 897. Cho s6 phiic z thoa méan diéu kién (1 + 2i)%z +z = 4i — 20. Tim |2|.
A. |z] = 25. B. |z|=T. C. |z| =4 D. |z| =5.
Loi giai.
Viét 2z = a + bi, v6i a,b € R. Khi d6, ta c6
(1+2i)%2 +7 = 4i — 20
3+4i)(a+bi) + (a — bi) = 4i — 20
2 — 4b + 20) + (4a — 4b — 4)i = 0

(=
(=
—2a—4b+20=0
=
da —4b—4 =0

Vay |z| = Va2 + b2 = /42 + 32 = 5.

Chon déap an @ O
Cau 898. Goi S 1a tap hop tat ci cic s6 nguyén m sao cho ton tai 2 s6 phiic phan biét 21, 2o thod
man dong thoi cac phuong trinh |z — 1| = |z — i| v& |z + 2m| = m + 1. Tong tat ca cAc phan tii clia
S la

A 1 B. 4. C. 2. D. 3.
Loi gii.

Gidstz=z+yi,x,ye R Taco |z+2m|=m+1>0.
TH1 m+1=0<m=—1suyraz =2 (loai) vi khong théa man phuong trinh |z — 1| = |z — | .
TH2. m+1>0<m>—-1 (1)

Theo dé bai ta c6

|z — 1] = |z — 1|
|z+2m| m+1
(=17 +y* =2+ (y - 1)°
=
(:c—|—2m = (m+1)?
y=ux
(z +2m)* +y* = (m +1)?

=

=u
{2x2 +4mz +3m* —2m —1=0. (%)
Dé ton tai hai s6 phtic phan biét z;, 2, théa man yéu cau bai toan thi phuong trinh (*) c¢6 2 nghieém
phan biét
A =4m>—203Bm’ -2m—1)=2(-m*+2m+1) >0 1-V2<m < 1+v2 (2)

Két hop dieu kien (1) va (2), m € Z thi m € S = {0;1;2}.
Vay tong cac phan tit ctia S 1a: 0+ 1+ 2 = 3.
Chon dap an @ O
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Cau 899. Cho s6 phiic z thoa man z + 3z = (1 — 22’)2. Phan 4o cla z la

3 3
A. —2. B. -. C. 2. D —.
4 4
Lo giai.
Gid st z=z+yi,(z,y € R) =Z =2 — yi.
3
2 4o = -3 T =—=
Taco (1-2i) = -3+4i=>2+3z=-3+4i & & 4
—2y=4 y=—2
Do vay, phan 4o clia z la y = —2.
Chon dap én@ O

Cau 900. Cho cap s6 (x;%y) théa man (22 — y)i +y(1 — 2i) = 3+ 7i. Khi d6 bicu thic P = 22 — zy

nhan gid tri nao sau day?

A. 30. B. 40. C. 10. D. 20.
Loi giai.
, | | | | | {y =3 {y =3
Taco 2z —y)i+y(l—2i)=3+T7i<y+2r—-3y)i=3+Ti < &
20 — 3y =17 xr = 8.
Vay P = 2% — 2y = 64 — 24 = 40.
Chon dap an O
Cau 901.
Phan gach trong hinh vé bén la hinh biéu dién ctia tap hop céc s6 phic v
théa man diéu kién nao trong cac diéu kien sau day
A.6<|z| <8 B.2<|z+44+4i] <4
C.2<|z—4—4i| <4 D. 4 <|z—4—4i] <16.
z
Loi giai.
Nhan xét

Néu zp = a + bi va z = o+ yi thi tap hgp cac diém biéu dién cho s6 phiic z thoa Ry < |z — 29| < Ry,
(R1 < Ry) la hinh vanh khan giéi han béi hai dudng tron tam I(a;b) va ban kinh Ry, R.

Theo hinh vé, phan gach trong hinh vé I cic diém thudc hinh vanh khin giéi han béi hai duong
tron tam 7(4;4) béan kinh Ry =2 va Ry = 4. Vay dép éan théaman 1a 2 < |z — (4 +4i)| < 4.

Chon déap an @ OJ

Cau 902. Cho s6 phiic z théa man |z| = m? 4 2m +5 v6i m 1a s6 thue. Biét tap hop diém bicu dién
ctia 86 phitc w = (3 4 44)z — 2¢ 1a dudng tron. Tim ban kinh R nhé nhét ctia dudng tron do.
A. R=5. B. R =10. C. R=15. D. R =20.
Loi giai.
w + 2i w + 2|

- = |zl = —.
3+ 4i 5
Lai ¢6 |z| = m? +2m + 5 = |w + 2i| = 5(m? + 2m + 5) = 5(m + 1)® + 20 > 20.

Vi tap hop diém biéu dién cho w 1a dudong tron nén tap hop diém biéu dién cho w + 2i ciing 1a mot

Cow=(3+4i)z—2i= 2=

duong tron cé cung ban kinh.
Vay ban kinh nho nhat cta la R = 20.
Chon dép an (D) O
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Cau 903. Cho hai s6 phiic z va w. Ménh dé nao sau day 1a sai?

A (zw) =z w. B. z-z =22 C. z4+w)=z+w D.(22) = (2>
Loi gidi.
Ta c¢6 z - Z = |2|? # 2%. Nen khang dinh z - Z = 22 sai.

Chon dap an O

Cau 904. Tap hop tat ca cac diém biéu dién s6 phiic z thoa man z +z = |z| la

A. hai dudng thing. B. mot parabol. C. mot dusng thing. D. mot e-lip.
Laoi giai.
Dat z =z +yi (z,y € R). Ta co

V3z4+y=0
2tz=2=zrtyitr—yi=rPt+yredt=+ P e’ =y Y
V3z — y = 0.
Chon dap an (A) O
) 1 )
Cau 905. Cho s0 phic z =1 — §Z Tinh so phiic w =iz + 3z.
8 8 10 10
Laoi giai.
Ta o6 .(1+1,)+3<1 1,)
acow =1 =i ——i) ==
3 3 3

Chon dap an @ O
Cau 906. Cho s6 phiic z = (1 + i)?(1 + 2i). S6 phiic z ¢6 phan 4o 1a

A. 2. B. 4. C. 2. D. —4.
Laoi giai.
Ta ¢6 z = (1 +i)*(1 + 2i) = —4 4 2i. Suy ra phan 4o cla z la 2.
Chon dap an @ U
Cau 907. Cho s6 phiic z thoa méan |z| —2Z = —7 + 3i + 2. Tinh |z|.

13 25
A. 5. B. 3. C. —. D. —.
4 4

L&i giai.
Goi z = a+bi, Va,be R. Khidé

2| =22=-T+3i+ze Va2 + b —2(a—bi) = =T+ 3i+ (a + i)
{\/a2+b2—3a+7:0 {\/a2+9:3a—7
= =

b—3=0 b=3
( 7
a> —
-3
a=4 a=4
<~ 5@
a="2 b=3
4
(b=3
Vay |z| = Va? + b? = 5.
Chondépén@ O

Cau 908. Cho sb6 phic 2 = a + bi (a, b 1a cac s6 thuc) théoa man (1 + i)z + 2z = 3 4+ 2. Tinh
P=a+b.
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1
A P=1. B'P:_§' C.Pzé. D. P=-1.
Loi giai.
1
3a—b=3 a:§
(14+)z+22=34+2i< (1+i)(a+bi)+2(a—bi) =3+2i < & 3
a—b=2 h— 2
5
Suyra P=a+b=—1.
Chondépén@ O

Cau 909. Tap hop cac diém trong mat phang phiic biéu dién cac s6 phiic z théa man 2|z — i| =
|z —Z +2i la
A. Duong parabol ¢6 phuong trinh x =

"hl Hw"’klww

B. Duong parabol ¢6 phuong trinh y = —.
C. Duong tron tam 1(0;1), ban kinh R = 1.
D. Dudng tron tam I(\/g; 0), ban kinh R = V3.
Lo giai.
Giéd stt z = v + yi, (x,y € R). Theo bai ra ta c6
e +yi —i| = |z +yi — (x —yi) +2i| < 2lz+ (y—1)i| =2|(y+1)i
& 2+ (y—1)7=(y+1)
& =4y

Vay tap hop cac diém trong mat phang phtic biéu dién cac s6 phitc z thoéa man la duong parabol c6
2

phuong trinh y = %

Chon dap an O
Cau 910. Cho s6 phric z thda man (1—i)z+(3—4)z = 2—6i. Tim mo-dun ctia s6 phitc w = 22+2.

A. 6V2. B. V7. C. V34 D. 2V/3.
Loi giai.

Giad st z =z + yi, (x,y € R). Khi d6 ta ¢6
(1—i)(z+yi)+ (3—i)(z —yi) =2 — 6i
S (z+y)+y—a)i+Br—y)— (r+3y)i=2—06i
& dr— (2 +2y)i=2—06i

4o =2 r =
= =
20+ 2y =6 y =

N TN | =

1 5
Tfrdésuyraw:2<§—|—§i>+2:3+5inén |lw| = v/34.

Chon dép an (C) O
Cau 911. Cho cic 86 phifc z; = 2+1, zp = ¥ + yi. Tinh tong S = z +y biét |z +i| = |20 — 1 + 24
va |21|2 + ’22|2 = |Zl — ZQ|2. A
A —-. B. -.
3 3

Lo giai.

C. —%. D.
3

[GNIN )
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Ta co
|2zg +i| = |20 — 14 2i| & |z + (y+1)i| = [(x — 1) + (y + 2)i|
& 2+ (y+1)° =@ -1+ (y+2)7°
&S r—y—2=0. (1)
Lai c6
21" + |2l = 21 — 2" & 24" + |z +yil* = |2 - 2) + (1 - y)il”
e 5+t =02—2)?+(1—y)?
& 2r+y=0. (2)
2
Tu (1) va (2), suy ra 4:>S::E+y:—§.
Y= T3
Chon dap an (A) O
Cau 912. Cho a,b € R va théa man (a+bi)i —2a = 1+ 3i, v6i i 1a don vi do. Gia tri a —b bang
A —4. B. 4. C. 10. D. —10.
Loi giai.

—2a—b=1 a=3
Taco (a+bi)i—2a=143i< —2a—b+ai=1+3i < &
a=3 b=-1.

Do d6 a — b = 10.

Chon dap an @ O
Cau 913. Téng phan thiyc va phan do clia s6 phiic z théa man iz + (1 — i)z = —2i bing

A. —06. B. —2. C. 2. D. 6.
Li giai.

biat z = a + bi, (a;b € R). Khi d6 ta ¢
iz 4+ (1—i)% = —2i
& ila+bi)+ (1 —i)(a—bi) = —2i
ia—b+a—bi—ai—b= -2
& a—2b+(2-b)i=0

2—-b=0 b=2
= =
a—2b=0 a=4.

Tong phan thuc va phan 4o clia z 14 2 4+ 4 = 6.

T

Chon dap an @ O
Cau 914. Tap hop cac diém biéu dién ciia s6 phiic 2z thda man 2|z —i| = |z — z + 2i] la

A. Mot parabol. B. Mot dudng tron. C. Mot duong thang. D. Mot diém.
Loi gii.

Gié st z = z + yi, (z;y € R).
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Ta co

2|z —i| = |z —Zz 4 21|
& 2r+yi—i| = |r+yi —x+yi+ 2

& n/a2+ (y—1)2 =2y +1|

]‘2

Vay quy tich cac diém biéu dién cho s6 phitc z thoa man dé bai la mot duong parabol.
Chon dap an @ O

Cau 915. Cho s6 phtic z ¢6 phan thyc 1a s6 nguyén va z thda man |z| — 2z = =7 + 3i + 2. Mo-dun
clia s6 phitc w =1 — 2 + 22
A. Jw| = /37 B. |w| = v/425. C. |w| = V457. D. |w| = \/445.
Loi giai.
bat z = a+bi(a;b € R).

Ta co:
2| =22 =-T+3i+z< Va?+ b —2(a—bit) = —T+3i+a+bi
& Va2 +b2—2a+2bi=a—7+ (b+3)i
2b=b0+3=0b=3 (1)
=
Va?+ 0> —2a=a—-17. (2)
7
a > —
3a—7>0 3
Thay (1) vao (2) ta duge Va2 +9=3a -7 < & a=4 =a=4
a’?+9=(3a—17)7° 5
‘T
Vay z=4+3i=>w=1—2+2>=4+21i = |w| = V45T7.
Chon dap an (C) O
Cau 916. Cho hai s6 phiic z; = 3 — 7i v 25 = 2 + 3i. Tim s6 phiic 2 = 21 + 2».
A z2=1-10.. B. z=5—-14. C. z=3-10. D. z2=3+ 3.
Loi gidi.
Tacoz=21+20=3—-T1+2+3i =5 — 4.
Chondépén O

Cau 917. Cho s6 phiic z théa méan diéu kién |z — 3 + 44| < 2. Trong mat phing toa do, tap hop

diém biéu dién sé phitc w = 2z + 1 — i 1a hinh tron c6 dién tich

A. 9. B. 127. C. 16m. D. 257.
Laoi giai.
1
Tacéw:2z—|—1—i<i)z:%_ 2Z
1—1 1
Smmak_3+4“§2@¢%_ 22_3+M'32@§hﬂ—ﬂ+2ﬁﬂ§2©hu—ﬂ+2&M§4

Vay tap hop cac diém biéu dién cho w 1a hinh tron tam A(1;23), ban kinh R = 4, ¢6 dién tich
S =7 x R? = 16m.
Chon dap an @ O
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Cau 918. Tap hop diém biéu dién sb phiic 2z thda man dicu kien [z + 1+ 2i| = 1 la
A. Duong tron tam /(1;2), ban kinh R = 1.

(—1;—2), ban kinh R = 1.

C. Duong tron tam I(—1;2), ban kinh R = 1.
D. Duong tron tam /(1; —2), ban kinh R = 1.

Loi giai.

Goi z = x + yi, x, y € R dugc bicu dién béi diem M (z;y). Ta c6

B. Duong tron tam [

FH1l+2=1ele—yi+1+2] =16 (@+1)*+@y-27=1

Vay nén M thuoc dudng tron tam /(—1;2), ban kinh R = 1.

Chon dap an @ OJ
Cau 919. Néu hai s6 thuc z, y théa man x(3 + 2¢) + y(1 — 4i) = 1 + 24i thi z — y bang
A. 3. B. -3. C. -7 D. 7.
Loi giai.
Ta co

r(3+20) +y(l —4i) =1+ 24i
& 3r+y+ (2 —4y)i =1+ 24i

3z +y=1
20 — 4y = 24

T =2
=
= -5

= z—y="T.

Chon dap an @ 0

Cau 920. Goi 21, 23 la hai trong céc s6 phiic z théa man |z — 3 + 5i] = 5 va |z; — 23] = 6. Tim
mo-dun ciia s6 phitc w = 2z + 2o — 6 + 10i.

A. |w| = 10. B. |w| = 32. C. |w| = 16. D. |w| =8.
Lo giai.

w1:z1—3+52 .
Dat = W)+ wy =21+ 29— 6+ 101 = w.
w2:22—3—|—52

wi| = |wa| =5
Ma{| =

|wy — we| = |21 — 22| = 6.
Mat khac [wy +ws* + [wy — wa]* = 2 (Jwr[* + [wa?) = |wi + waf® = 64.
Vay |w| = |wy + ws| = 8.

Chon dap an @ O
Cau 921. Tim s6 phric lien hgp ciia s6 phtic z = i(3i + 1).
A zZ=3+1. B. zZ=-3+1. C.z=3-—1. D.z=-3—1i.
Loi giai.
Tacoz=1i(3i+1)=3i*+i=-3+i=>2z2=-3—1.
Chon dap an @ O

Suu tam € bién soan Th.s Nguyén Chin Em 229 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 922. C6 bao nhiéu s6 phiic z théa man 2% — 2018z = 2019 |z|*?
A. Vo sb. B. 2. C. 1 D. 0.
Loi gii.
biat z = a+ bi, (a,b € R).
. [a®—b*—2018a=2019 (a® +b%) (1)
Ta c6 22 — 20182 = 2019 |z]” &
2ab — 20186 =0 (2).
b=0
Tu (2) ta dugc
a = 1009.

a=10
Thay b= 0 vao (1) ta dugc —2018a = 2018a? < [
a=—1.

Do d6 truong hgp nay ta c6 2 s6 phiic thoa yéu cau la z = 0; z = —1.
Thay a = 1009 vao (1) ta duge —2018 - 1009 - 1010 = 20206 v6 nghiém do b € R.

Vay ¢6 2 s6 phiic z théa man.

Chon dap an O
Cau 923. Cho s6 phtic z thoa z + 2z = 2 + 3i, thi |z| bang
Lo giai.
Goi z=a+0bi, a,b e R, suy ra z =a — bi. )
Tacoz+25=2+3i = atbit2a—bi)=2+3 {3a:2 =173
—b=3 b= -3

Chon dép an (D) O
Cau 924. Néu s6 phiic z = 1 — i thi 2!° bang

A. 32i. B. -32. C. —32i. D. 32.
Loi gidi.
Ta ¢6 210 = (22)° = (—2i)° = —32i.
Chon dap an @ O
Cau 925. Gia tri ctia | (1 — i) (2 +4) — i| béng

A V1T B. V5. C. 3. D. V13.
Lo giai.
Ta c6

(IT—i)@24i)—i=1+i)(2+13) —i=1+2i

Vay |(T—1) (2+1d) —i| = |1 + 2i| = V/5.

Chon dap an OJ
Cau 926. Cho s6 phiic z thoa man 3z + (1 + i)z = 1 — 5i. Tim mo-dun clia 2.

A |z| = 5. B. |z| = /5. C. |z| = V13. D. |z| = V10.
L3i giai.
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Giast z=a+ b, a,b € R. Ta co

3la—bi)+(1+i)(a+bi)=1-5i < da—b+ (a—2b)i=1-—5
da—b=1 a=1
<~ ~
a—2b= -5 = 3.
Vay |z| = v/10.
Chondépén@ O

Cau 927. Xét cac sb phitc z théa man (2 — 2)(Z + i) 1a s6 thuan do. Tap hop tat ca cac diém biéu

dién ciia z trong mit phang toa do la

1
A. Duong tron c6 tam [ (1; 5), ban kinh R = ?
V5

B. Duong tron c6 tam [ (—1; —%), ban kinh R = -
C. Duong tron c6 tam I (2;1), ban kinh R = /5.
D. Dudng tron ¢6 tam [ (1; %), ban kinh R = ? nhung bd hai diém A(2;0) va B(0;1).
Loi giai.
Gia st z = x + yi, v6i z,y € R. Khi d6
2—2)Z+)=0Q2—z—yi)(x —yi+i)=—2® —y* + 22 +y — 2yi — xi + 2.

Dé (2 — 2)(z + i) 1a s6 thuan 4o thi
1\ 5
-yt ty=0t+y 20 —y=0& (x —1)* + (y——) =7
Vay tap hop cac diém biéu dién clia z 1a duong tron c6 tam I (1; %), ban kinh R = g
Chon dap an @ O
Cau 928. Trong mit phang toa do, tap hgp diém biéu dién s6 phiic 2z thda man |iz —2i + 1] = 2 1
duong tron c6 toa do tam la
A (2;1). B. (2;-1). C. (-2;1). D. (=2;-1).
Loi giai.
Goi z =a+ bi v6i a,b € R.
Khi d6 iz — 2+ 1| =2 |ai —b—2i+ 1| =2 & (b— 1) + (a — 2)? = 4.
Vay tap hop diém bicu dién s6 phiic z théa méan |iz — 2i + 1| = 2 1a dudng tron c6 toa do tam I(2;1).
Chon dap an @ O
Cau 929. Xét cic s6 phiic 2z thoa man (z — 44)(Z + 2) 1a s6 thuan do. Biét rang tap hop tat ca céc
diém biéu dién ctia z 1a mot dudng tron. Tim toa do tam ctia duong tron doé.
A (—1;-2). B. (—1;2). C. (1;2). D. (1;-2).
Loi gii.
Goi z =z + yi, (z,y € R).
Ta co
(2 —41)(Z+2) =lz+ (y—4Dil[(x+2) — yi]
=x(r+2)—zyi+ (x+2)(y —4)i+y(y —4)
= (2® + 5y + 22 — 4y) + (—4x + 2y — 8)i.
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Do d6 (2 — 4i)(Z + 2) 1a 86 thuan 4o < 2? + y? + 2z — 4y = 0.
Vay tap hop cac diém biéu dién ciia z 1a dudng tron c6 tam (—1;2).
Chon dép an (B) O
Cau 930. Cho s6 phiic z théa man dong thoi hai didu kien |z — 3 — 4i| = V5 va |z + 2° — |z —i|* =
33. Modun ctia s6 phiic z — 2 — 7 bang
A. V5. B. 9. C. 25. D. 5.
Loi giai.
Goi z =z + yi, (z,y € R).
Khi do
{ |2 —3—4i| =5

242" — |z —i]*> =33

Dod6z=5+5i=|z—2—i|=|3+4i] =5.

Chon dap an @ 0
Cau 931. Trén mit phang toa do, tim tap hop diém biéu dién sé phiic z sao cho 2% la s6 thuan
0.

A. Truc Oz.

B. Hai duong thang y = x, y = —z, bé di diém O(0;0).
C. Hai duong thang y = z, y = —x.
D. Truc Oy.
Loi giai.
Dat z =z +yi, (z,y € R).
Khi d6 22 = 2% — y? + 2xyi.
Ta c6 2% 1a s6 thuan 40 < 22 — 2 =0 & y = +u.
Vay tap hop diém biéu dién s6 phiic 2 sao cho 22 1a s6 thuan 4o la hai dudng thing y = x vay = —x.

Chon dap an (C) O

Cau 932. Cho s6 phiic z théa méan |z| = v/5. Biét tap hop cac diém biéu dién s6 phiic w = (14+2i)z+i
la mot duong tron. Tim ban kinh r ctia dudng tron do.
A.r=+/5. B. r=10. C.r=5. D. r = 2/5.
Loi giai.
Ta co
w=(1+2i)z+icw—i=(1+2i)z=|w—1i=|(1+2i)z|
& |lw—il=|1+20) |zl e lw-—i=VI+22-V5& |w—i|=5.

Vay tap hop diém biéu dién sé phitc w 1 dudng tron ban kinh r = 5.
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Chon dap én@ 0
Cau 933. Cho s6 phiic 2z = a + bi v6i a,b € R thoa (1 +1i)z +2zZ =3+ 2i. Tinh P =a +b.
1 1
A P=1 B. P=-1. C'P:_ﬁ' D.Pzﬁ.
Lo giai.

(1+4)z+2Z2=3+2i
& (1+9)(a+bi)+2(a—bi) =3+2i
< 3a—b+(a—b)i=3+2i

1
{Ba—b:B {3a—b:3 a=3
= = =

3

a—b=2 a—b=2 __2
b 5

Vay a +b=
Chon dap an O
Cau 934. Biét s6 phiic 2z théa man dong thoi hai diéu kien |z — 3 — 4i| = /5 va biéu thitc M =
|z +2|? — |z — i|* dat gi4 tri l16n nhat. Tinh mo-dun clia 6 phic z + 1.

A. |z 41| = V61 B. |z +1i] = 5V2. C. |z +i| = 3V5. D. |z 4| = 2V/41.
Lo gidi.
Goi z =z + yi v6i (z;y € R).
Tacé |z —3—4i|=vVh e (x—3)>+ (y —4)> =5.
Theo gia thiét M = |z + 2> — |z —i]* = ((z +2)* + v*) — (z* + (y — 1)?) = 4o + 2y + 3.
T do suy ra

M—23 = 4(x—3)+2(y—4)
< J(16+4) [(x —3)2 + (y — 4)2 =205 = 10.

Vay M < 33 va M = 33 xay ra khi

dr 4+ 2y + 3 =33 y=15—-2x Yy=>5
4 <~
(x =3+ (y—4)2=5 (r—3)*+ (11 —22)*=5

Vay z =5+ 5i = |2 + | = |5 + 6i] = V61.

Chon déap an @ OJ
Cau 935. Cho sb phitc z = 3 — 2. Tim phan 4o ctia s6 phic w = (1 + 2i)z.
A 4. B. 7. C. —4. D. 4i.
Lai giai.
Ta c6 w = (1 + 2i)(3 — 2i) = 7+ 4i. Suy ra phan 4o ctia w bang 4.
Chon dap an @ 0

Cau 936. Cho s6 phiic z théa man z(1 + 2i) — 2(2 — 3i) = —4 + 12i. Tim toa do diém M biéu dién
sO phic 2.

A. M(3;1). B. M(3;-1). C. M(-1;3). D. M(1;3).
Loi giai.
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bat z =2+ yit v6i z,y € R. Ta ¢6

(x+yi)(1+20) — (x —yi)(2—3i) = -4+ 12i
S (@x—2y—20+3y)+ 2r+y+3c+2y)i=—-4+ 12

—r+y=—4 =3
= =
or + 3y = 12 y=—1
Suy ra z = 3 — 4, diém biéu dién s6 phitc z 1a M(3; —1).
Chon dap én 0

Cau 937. Cho céc sb phiic 21, z; thda man phuong trinh |z — 2 — 3i| = 5 va |z; — 2| = 6. Biét tap
hop céc diem M biéu dién s6 phiic w = 2, + 2, 13 mot duong tron. Tinh ban kinh duong tron do.

A. 8. B. 4. C. 2V2. D. 2.
LJi giai.
Goi A, B lan lugt la diém bicu dién clia z;, zo. Tt cac gia thiét zi, B
zo théa man phuong trinh |z —2 — 3i| = 5 va |21 — 22| = 6 suy ra W

A, B thuoc duong tron tam 1(2;3) (14 diém biéu dién ctia s6 phiic
2o = 2+ 3i) ban kinh R =5 dong thoi thoa man AB = 6.
Ta co

(w—20) — 20 = (21 — 20) + (22 — 20) A

nen w — z, ¢6 diem biéu dién W chinh 1a dinh th tu ctia hinh thoi JAW B. Do d6

lw — 220 = IW? =4I A* — AB* = 4.5 — 6° = 64

= |w —2z| = 8.

Vay tap hop cac diém M biéu dién s6 phiic w 1a dudng tron tam J(4;6), ban kinh r = 8.

Chon dap an @ O
Cau 938. Tim s6 z théa man phuong trinh z + 2z = 2 — 4i.
—2 2 —2 2
A z=——4. B. z=-—4i. C. z=—+4. D. 2= -+ 4.
3 3 3 3
Loi giai.

Dat z = a + bi, (a,b € R). Khi d6, phuong trinh c6 dang

2
a+bi+2a—bi)=2—4die3a—bi=2—4ie 3
b=4.
2 .
Vayz:§+4z.
Chondépén@ O
Cau 939. Tim cac s6 thyc z, y théa man = + (y + 2i)i = 2+ ¢ v6i ¢ la don vi do.
Alz=4y=1 B. x=3y=2. C.rx=-1y=2 D xz=0y=1.
Loi giai.

r=4
Tacc’)x—l—(y+2i)i:2+i(:)x—2+yz':2+i(:){
y=1.

Chon dap an @ O
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Cau 940. Xét cac s6 phiic z thoa man (z + 2i + 1)(Z + 3¢) 1a s6 thuan 4o, biét rang tap hop céc

diém biéu dién sbé phiic z 1a mot dudng tron. Tam ctia duong tron dé la

A. (1,1) B. (1,—1> C. <—1;—1>. D. <—1,1>
2°2 2" 2 2" 2 22

Loi giai.
bat z =z +yi (z,y € R).
Taco (z+2+1D)Z+3)=(r+yi+2i+1)(z—yi+3)=2>+9y>+2—y—6+ (5bz —y + 3)i.
Vi (z + 20+ 1)(Z + 37) 1a s6 thuan do nén 2%+ y> + 2 —y — 6 = 0.
Vay tap hop cac diém biéu dién s6 phiic z 1a mot dudng tron tam (—%; %)
Chon dap an @ O
Cau 941. Trong mit phang toa do Ozy, cho M, N, P lan lugt la diém biéu dién ctia cac sé phiic
24 3i, 1 —2i, —3 4. Toa do diém Q sao cho tit giac M NPQ la hinh binh hanh la

A. Q(0;2). B. Q(6;0). C. Q(—2;6). D. Q(—4;—4).
Loi giai.
Ta c6 M(2;3), N(1;-2), P(-3;1).
Goi Q(z;y) = MN = (—1;-5), 675 =(-3—x;1—y).

o s {—3—9::—1 {xz—?
Do M N PQ@ la hinh binh hanh = M N = QP & = = Q(—2;6).
l—y=-5 y==~6

Chon déap an @ O

Cau 942. Cho s6 phitc z thda man diéu kién |z — 3 + 44| < 2. Trong mat phang Oxy, tap hop diém

biéu dién s6 phitc w = 2z + 1 — i 1a hinh tron c6 dién tich bing

A. S =25m. B. S =4r. C. S =16m. D. S =9r.
Loi giai.
— 143
Dow:2z+1—i:>z:wTH,thayvao |z — 3+ 4i] <2 ta duge
w—1+1

g — 3+ di| <26 fw— (T-9)| < 4.

Vay tap hgp diém biéu dién cho s6 phiic w 1a hinh tron tam 1(7; —9) ban kinh R = 4.

Dién tich hinh tron 14 S = 16m.

Chon dép &n (C) O
Cau 943. Cho hai diém A va B 1a hai diém biéu dién hinh hoc s6 phtic theo thit tu z;, 2o khac 0
va thoa man dang thiic 22 + 22 = z,2,. Héi ba diem O, A, B tao thanh tam gidc gi? (O la gbc toa
d0). Chon phuong an dung nhat

A. Vuoéng can tai O. B. Can tai O. C. Deéu. D. Vuong tai O.
Li giai.
— A+ == (2 — ) = —nzm = |2 — 2 = |2l (1) ,
— 42 == (s —n) =2 = alla - nl = wPa - wf= 222 (2)

|21
— Tu (1) va (2) = |21]> = |22)® = |21] = |22]. (3)
— Tu (1) va (3), suy ra |21| = |22| = |21 — 22|, hay OA = OB = AB = AOAB déu.
Chon dap an @ O

Cau 944. Goi S 1a tap hop cac s6 phiic z thdéa man diéu kién z* = |z|. S6 phan tit clia z 1a
AT B. 6. C. 5. D. 4.
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Loi giai.
2l =
Taco: 2t = |z| = |z[* = 2| & 2| (2P —-1) =0 & I
2| =1
— |z|=0<2=0.
(2= -1
z=1
— lzl=1le=1>3*-1)(*+1) =0
z2=1
|z = —1
Vay c6 5 s6 phiic z théa méan bai toan.
Chon dap én@ O

Cau 945. C6 bao nhieu s6 phtic z théa man diéu kien |z -z + 2| = 2 va |z| = 27

A2 B. 3. C. 1L D. 4.
Lo gidi.
Tu|z| =2va |2.Z+ 2| =2,suyra [4+ 2| = 2.

Tap hop s6 phiic z théa méan diéu kién |z| = 2 1a dudng tron tam O(0;0) ban kinh R; = 2.

Tap hop s6 phic z théa man diéu kién |4 + z| = 2 14 dudng tron tam [(—4;0) ban kinh Ry = 2.

Do OI =4 = R; + R, nén hai dudng tron tiép xic ngoai. Suy ra c6 1 s6 phiic z thda man.

Chon dap an @ OJ

Cau 946. Trong mat phang v6i hé toa do Owxy, goi (H) la hinh biéu dién tap hop cac sd phiic z
thoa méan |7z — z| < 10. Dien tich ctia hinh (H) béng

5% 25T 7T
A —. B. —. J— D. 5.
2 12 C 3 o
Loi giai.
Goi z =24y, =,y € R.
Ta thay
|72 —Z| <10

& |6z 4 8yi| <10

& 3627 4 64y* < 100
2 2

L <1 Q)
(5)

o

Tu (1) ta duge (H) 1a hinh elip.
Ta c6 S 0> _ 2
0 34 12
Chon dap an O
Cau 947. C6 bao nhiéu s6 phiic z théa man |22 + 3] = 2|z +z| va [z — 4 + 31| = 37
A 1. B. 2. C. 3. D. 4.

Loi giai.
Dit 2 = o +yi, x,y € R. Goi M la diém biéu dién cta z.
Ta ¢6 |z —4+ 3i| = 3 nén M thudc dudng tron (47) c6 tam I;(4; —3) va ban kinh R; = 3. (1)
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Ta thay

)

2% + 3| =2]|z 47| /7?\
& (m2—y2—|—3)2—|—(2$y)2:16x2 i Y
& ($2—y) +9+6(x —y)+4x2y2:16x2 ’
& (a7 +y)—|—9 6 (2% + ) = 42
& (:E + 2 — ) = 4

[ 22 +y?—3=—-22
“ _x2+y2—3:2x

(r -1+ =4 (2)
< _(x—|—1)2+y2:4. (3) Hinh 1

X \ s a2 (@) (%1)
Tu (1), (2) va (3), ta thay M la diem chung ctia hay

(¢2) (¢3).
T hinh 1, ta thay c6 hai diém M thoéa man, tic c¢6 hai sé phiic thoa man dé bai.

Chon dap én O
. 1 .
Cau 948. Cho s0 phic z =1 — §Z Tim so phiic w =iz + 3z.
10 10 8 8
A.w:§+i. Bw:3 C.w:§. D.w:§—|—i.
Loi giai.
Ta c6 1 1':>_ 1+1'Kh'd” Z+ 3 '(14—1')—1-3(1 1'> 8
acoz=1—-i=2Z= —i. Khido w=1iz+4+3z=1 —1q — =i ==
3 3 3 3 3
Chon dap én@ O
Cau 949. Cho hai s6 phitc z; = 2+ 3i, 25 = 1 + 4. Tinh |21 + 32].
A. |21+ 32| =v11.  B. |2+ 32| =11. C. |21+ 32| =v61.  D. |2 + 32| =61.
Loi giai.
Taco z1+320=(243i) +3(1 +4) =54 6i = |21 + 32| = V5% + 62 = V/61.
Chon dap én@ O

Cau 950. Cho s6 phifc z thda mén |z—i| = |z—1+2i|. Tap hop diém biéu dién s6 phiic w = (2—4)z+1
tren mit phang 1a mot dudng thang. Phuong trinh dudng thang dé la

A c4+Ty+9=0. B a+Ty—-9=0. C.a2—Ty—9=0. D.z—Ty+9=0.
Lo giai.
Giad st z = v + yi, (x,y € R).
Taco|z—i|=]z—14+2i| e *+(y—1)>2=@—-1)0+(y+2)?<z—-3y—2=0. (1)
1
, . s ¥ =2r+y+1 x:5(2x'—y’—2)
Goi M(z";y') la diem bieu dién clia w, tacé w = (2—i)24+1 < { & 1
Yy =-—r+2 y:g(a;'—i—Qy’—l).
(2) ) ;
T (2)va ()= - (20 —y/ =2) = S (@' 42/ ~ 1) =2=062/+ 7/ + 9 =0.
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Vay tap céc diém biéu dién ctia w la duong thing c¢6 phuong trinh = 4+ 7y +9 = 0.
Chon dap an @ O

Cau 951. Cho s6 phiic z = a + bi(a,b € R) théa man (z +1+1)(z — 1) + 3t = 9 va [z| > 2. Tinh
P =a+0.
A. 2. B.1. C. -3. D. —1.
Loi giai.
Phuong trinh tuong duong |22 —iz + (1 +4)z+2i—8=0 (1).
Thay z = a + bi vao (1) va bién doi ta dugc

[ (a=0
9 | 12 , A4+ +a+20—8=0 b=2
a+b"+a+20—-8+(2—-b)i=0« &

b=2 a=-—1
| |b=2.
a=—1

\ﬁ|§|>2néntachon{ Vay P=a+b=1.
b=2

Chon dap an O

Cau 952. Cho céc s6 phitc z théa man |z — 2i202°| = [z — 1 + 2i|. Tap hop cac diém biéu dién sb

phiic w = 2% — 1 + 44 trén mit phang toa do la mot duong thang. Khoang cach tit 1(2; —3) dén
dudng théng d6 bang

1 1 1 18v/1
A V3 B, 18V5 c. 105 p. 2BV13,
3 5 5 13
L&i giai.
bat w =2+ yi, x,y € R.
1 —4 1 —4
Khidé,g;+y@':23—1+4z‘<:>z:x; +y2 ivazzx‘; _y2 i

Ta co

|2 — 2% = |z — 1 + 24
& |z—2|=1z -1+ 2
o) () () ()
( 2 * 2 2 * 2 +
& (@=3)"+ -4 =@-1)"+y’

& r+2y—6=0.

Nhu thé, tap hop céc diém biéu dién sé phiic w 1a duong thing A: z + 2y — 6 = 0.
\ p 2—2-3—6 10v/5
Vay khoang cach tut 1(2; —3) dén A la | | = \/_

V1+4 5

Chon dép an (C) O
Cau 953. Cho s6 phiic z khac 0 1a s6 thuan 4o. Ménh dé nao dudi day ding?

A. 7z 1a sb thue. B. =72

C.z+z=0. D. Phan 4o ctia z bang 0.
Loi giai.
Ta c6 z =bi, v6i b # 0, suy ra Z = —bi. Do d6 2+ 2z = 0.
Chon dap an @ O
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Cau 954. Cho 2, 2, 1a hai s6 phiic tity . Khing dinh nao duéi day sai?

A z-z=|z]~ B. |21 + 22| = |21] + |22

C.z21+2=2Z1+72. D. |21 29| = |z1] - |22)-
Loi gii.
Khang dinh |21 + 23| = |21] + | 22| sai vi |21 + 20| < |21 + |22].
Chon dap an O
Cau 955. Cho hai s6 phiic z;, z; théa man diéu kien |21 — 23| = |21| = |22| = 2. Tap hop cac diém
biéu dién s6 phitc z = 2 + 25 1a

A. Duong tron ¢6 ban kinh R = 3\/5. B. Duong tron c6 ban kinh R = 2\/5.

C. Duong elip. D. Duong thang.
Loi gii.

Ta c6 |2|* = |21 + 2> =2 (]21\2 + ]z2|2) — |z — 2P =2(444) —4 =12, suy ra |z| = 2V/3.

Vay tap hop cac diém bidu dién s6 phic z 14 dudng tron c6 ban kinh R = 2v/3.

Chon dép an (B) O
Cau 956. Trén mat phang phiic, tap hgp diém biéu dién s6 phiic z théa man |z +2 — 3i| = 2 1a
duong tron ¢6 phuong trinh nao sau day?

A 22492 —dx —6y+9=0. B. 2 +y* — 4z + 6y + 11 = 0.
C. 224 y? — 4o — 6y + 11 =0. D. 2* +y* + 4z — 6y + 9 = 0,
Li giai.

Goi z = x 4+ yi v6i x, y € R. Khi do

|z +(2-30)] =2
& |lr4+yi+2—-3i =2
& |z +2+(y—3)i| =2
& @22+ (y—3)2=2
& (r+2°+(@y—3)7=4
s 22+ yP—4dr—6y+9=0.

Chondépén@ O
Cau 957. Néu 2 s6 thuc z, y théa man x (3 +2i) + y (1 — 4i) = 1 — 32¢ thi = + y bang
A 2. B. 4. C. 5. D. -3.
Loi giai.
Ta co

2(3+2i) + y(1 — 4i) = 1 — 32i
& Br+y)+ (2 —4y)i=1-—32i

r+y=1
20 — 4y = —32

(o
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Chondépén@ 0
Cau 958. Cho s6 phiic z = a+bi (a,b € R,a > 0) thdéa méan z -z —12|z| + (2 — z) = 13+ 10i. Tinh
S=a+b.
A S=T. B. S=17. C.S=-1T. D. S=5.
Lo giai.
Tacoz-z2=|z?=a’>+ 1> vaz—2= (a+bi)— (a—bi)=20bi. Khi d6
z-Z2—12|z| + (2 — 2) = 13+ 104
& a® 4+ —12Va? 4 b2 4 2bi = 13+ 10i
{a2 +0? —12Va2 + 12 =13
=

2b = 10
{a2 —12va2 +25+12=0 (1)
=
b=5.

Dat t = Va2 + 25 v6i t > 25 va t? = a® + 25. Phuong trinh (1) tré thanh

t=—1 (loai)

=12t - 13 &
t=13.

Voit=13= Va2 +25=13a*=144=a=12via > 0.
Vay S=a+b=12+5 = 17.
Chon dap an OJ
Cau 959. Cho s6 phtic z = 1 — 2i. Diém nao dud6i day la diém biéu dién ctia s6 phitc w = iz trén
mat phang toa do?
A. P(—2;1). B. Q(1;2). C. M(1;-2). D. N(2;1).
Loi giai.
Ta ¢ w =iz = i(1 — 2i) = i — 2> = 2+ i. Do d6, diém N(2;1) la diém biéu dién s6 phiic w = iz

trén mat phang toa do.

Chon dap én (D) O
Cau 960. Cho s6 phtic z = 2 + ¢. Tinh mo-dun ctia s6 phiic w = 2% — 1.

A. 2v/5. B. V5. C. 5V/5. D. 20.
Loi giai.

Tacow=22—1=2+i)* - 1=4+4i+i*—1=2+4i.

Do dé |w| = v/22 + 42 = 2/5.

Chon dap an @ O
Cau 961. So phtic z théa man z + 2z =3 — 2i 1a

A 1—2. B. 1+ 2i. C.2—1. D. 241
Loi giai.

Gia st z=a -+ bi v6ia, b € R. Ta c6

24+22=3-2 & (a+bi)+2 (a—bi)=3-2i

& 3a—bi=3—2
a=1

=
b=2.
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Vay z =1+ 2:.
Chon dap an O

Cau 962. Cho sb phiic z thda man didu kien 3 < |z — 3i + 1] < 5. Tap hop cac diém biéu dién sb
phtic z tao thanh mot hinh phang. Tinh dién tich hinh phéng dé.

A. S =16m. B. S =4r. C. §=257. D. S =8mr.
Loi giai.
Goi cac diém biéu dién cac s6 phtc z va —1 + 3i lan luot 1a M Yy

va I(—1;3). Ta ¢
3<|r—3i+1<5=3<IM<5.

Goi (C) la dudng tron tam I, ban kinh R; = 3; (C3) 1a dudng
tron tam I, ban kinh R, = 5. Khi d6 tap hop cac diém M nim
ngoai duong tron (Cy) va nam trong dudng tron (Cy) (phan

gach chéo trén hinh vé&). Dién tich hinh phang nay la

S=m-5 —n-3°=16m.
Chondépén@ O

Cau 963. Cho s6 phiic z = 3 + 2i. Tim phan thuc va phan 4o ctia sb phic —2 - Z.
A. Phan thyc bang —6 va phan 4o bang —4i.  B. Phan thyc bang —6 vA phan 4o bang —4.
C. Phan thyc biang —6 va phan 4o bang 44. D. Phan thyc bang —6 va phan 4o bang 4.
Loi giai.
Tac6z=34+2i=2=3—2,dod6 —2-zZ=—6+ 4i.
Vay s6 phiic —2 - Z ¢6 phan thiyc bang —6 va phan 4o bang 4.

Chon déap an @ OJ
Cau 964. Cho s6 phiic z; = 1+1i vi 25 = 2 —3i. Tim s6 phiic lién hgp clia s6 phitc w = 21 + 25.

A w=3-2i. B.w=1- 4. C.w= -1+ 4. D. w=3+ 2.
Loi giai.

Ta cOw =21+ 29 =3 — 2i.
Khi dé w = 3 + 2.
Chondépén@ O

Cau 965. Tap hop diém biéu dién s6 phitc z thda man |z — (3 — 4i)| = 2 1a
A. Dudng tron c6 tam I(3; —4), ban kinh R = 2.
B. Duong tron ¢6 tam I(—3;4), ban kinh R = 2.
C. Duong tron c6 tam I(3; —4), ban kinh R = 4.
D. Dudng tron c¢6 tam I(—3;4), ban kinh R = 4.
Lo giai.
Goi z =z +yi, (z,y € R).
Tacolz—(B—4i)|=2<|(z—-3)+(y+4)i|=2< (=3 + (y+4)* =4.
Vay tap hop diém biéu dién s6 phiic z thda man dé bai la dudng tron c6 tam I(3;—4), ban kinh
R=2.
Chon dap an @ 0
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Cau 966. Goi a va b 1a cac s6 thuc théoa man a + 2bi +b — 3 = —ai — ¢ v6i ¢ 1a don vi do. Tinh
a+b.
A. 3. B. 11. C. -3. D. —11.
Loi giai.
Ta thay

a+b=3 a="7T
a+2bi+b—3=—-ai—ie (a+b—3)+(a+2b+1)i=0< &

a+2b=-1 b=—4.
Vay a+ b = 3.
Chon dap &n (A) O
Cau 967. Cho sb phiic z thoa man 2z + (3 — 2¢)z = 5 + 5i. Mo-dun ctia 2z bang
A5 B. V8. C. V5. D. V10.
Loi gidi.

bat z =z 4+ yi véi z,y € R. Ta ¢6

2(x +yi) + (3 —2i)(z —yi) =5+ 5i
& br— (2 +y)i=5+50

oT =9 r=1
<~ =
20 +y=2>5 y=3.

Tu dé ta c6 z =1+ 3i = |z| = V10.

Chon dap én@ O
Cau 968. Tim cac s6 thuc a va b théa méan 3a + (b —i)(—1+ 2i) = 3 + 57 v6i 7 1a don vi o.
Ala=1,b=2. B.a:%,bzl. C.a=-1,b=1. D.a=-2b=2.

Loi giai.
Taco3a+ (b—i)(—14+2i) =3+5i< 3a—b+2+ (2b+ 1)i = 3+ 5i.

R . ) 3a—b+2=3 a=1
Dong nhat hé so ta c6 &

2b+1=5 b=2.
Chon dap én@ OJ
Cau 969. Tim hai s6 thuc z va y théa man (2z — 3yi) + (1 — 3i) = x + 64, v6i ¢ 1a don vi 4o.
Alz=-1y=-3 B z=-1y=-1 Cr=1Ly=-1 D z=1,y=-3.
Lai giai.

r+1=0 r=—1
Taco 2z —3yi)+(1—-3i)=ax+6i<r+1—By+9)i=0< &
3y+9=0 |y=-3.

Chon dap an @ 0

Cau 970. Xét céc s6 phiic z théa man (z +4)(z + 2) la s6 thuan do. Trén mit phang toa do, tap

hop tét ca cac diém biéu dién s6 phitc z 1a mot duong tron c6 ban kinh bang

AL B ) p Y3
4 2 2

Loi giai.
Goi z =z +yi (z,y € R).
Taco (Z+i)(z+2)=(x—yi+i)(z+yi+2)=(>+22+y> —y) + (x — 2y +2)i

Suu tam € bién soan Th.s Nguyén Chin Em 242 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

s 1\* 5
Vi (Z +4)(z + 2) 1a s6 thuan 4o nén ta co: x2+2x+y2—y:0<:>(:c—|—1)2+(y—i) =

S

Vay tap hop tét ca cac diém biéu dién sb6 phiic z 1a mot dudng tron c6 ban kinh bang

Chon dép &n (C) O

Cau 971. Tim hai s6 thuc x va y théa man (3z + 2yi) + (2 + 1) = 2z — 3i vdi i 1a don vi o.
Alx=-2y=-2 B rx=-2y=-1 C.x=2y=-2 D x=2y=-1.

Loi giai.

Ta co

(34 2yi) + (2+1i) =22 —3i < 3x+2) + 2y + 1)i = 2z — 3i

3r+ 2 =2x r= -2
= =
2+ 1=-3 y=—2.

Chon dap an @ 0

Cau 972. Xét cac s phitc z théa man (Z + 3i)(z — 3) 1a s6 thuan do. Trén mit phang toa do, tap

hgp tat ca cac diém biéu dién cac s6 phiic z 1a mot dusng tron c6 ban kinh bing
A. g B. 3v2. C. 3. D. %ﬁ

Lai giai.

Giastz=x+yt=2z=ux—yitrong dé z,y € R.

Ta c6 (Z+3i)(z — 3) =2+ y* — 3z — 3y + (3z + 3y — 9)i.

S6 phiic (24 34)(z — 3) 1a s6 thuan &o khi chi khi 2 +y?* -3z -3y =0 & (Jc — g)Q—ir (y — 3)2 = g

Vay tap hop tat cd cac diém biéu dién sb6 phiic 2 théa man yéu cau bai toan la dudng tron cé ban

. 2
kinh bang %

Chon dap an @ O
Cau 973. C6 bao nhiéu s6 phiic z théa man |z|(z —3 — i) + 2i = (4 —1)27?

A 1. B. 3. C. 2 D. 4.
Loi gii.

Taco|z|(z—3—i)+2i=(4d—i)ze 24— |z| — 1) = =3|z| + (2 — |2])i.
Dit t = |z], diéu kien t > 0,¢ € R. Lay mo-dun hai vé ta duge

ta—t—il=|=3t+@2-1)i] & t/(@d—1)2+1=/92+2—1t)?
& th -8t + 6t +4t -3 =0
& -1 -1 —t+3)=0

[t =1
t =~ 7,081
=
t ~0,61146
[t ~ —0,6928.
Do dé, ¢6 3 gia tri t théa man.
o , 2,0 X P _3t+(2_t)2 ~ , Z ~ £ 4 > ~
Mat khac, v6i moi t > 0, ta c6 z = T nén c¢6 duy nhat mot so phic z thdéa man.
—t—1
Vay c6 3 s6 phiic thda man yéu cau bai toan.
Chon dap an O
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Cau 974. Tim hai s6 thuc x va y théa man (3z + yi) + (4 — 2i) = 5x + 2i v6i i 1a don vi o.
A x=-2;y=4 B.rz=2y=4. C.z=-2,y=0. D.z=2y=0.
Lo giai.
20 —4=0 x =2
Taco (32 +yi) + (4 —20) =5x+2i & 20 — 4+ (4—y)i=0c =
4—y=0 y=4.
Chondépén 0

Cau 975. Xét cac s6 phitc z théa man (Z + 2i)(z — 2) 14 s6 thuan do. Trén mit phang toa do, tap
hop tét ca cac diém biéu dién céac s6 phiic z 1a mot dudng tron c6 ban kinh bing
A. 2. B. 2V/2. C. 4. D. V2.
Loi giai.
Giast z=x+yi v6i z, y € R.
bat Z = (z+2i)(z = 2) = [z + 2 —y)il[(z = 2) + yi] = [2(z = 2) —y(2 —y)]| + [zy + (z = 2)(2 — y)]i.
Vi Z 1a s6 thuan 4o nén c6 phan thic bang khong do d6
x—2)—y2—y) =0 (x—1)*+(y—1)*=2.
Suy ra tap hop céac diém biéu dién cac s6 phiic z 1a mot dudng tron c6 ban kinh bang V2.

Chon dap an @ O
Cau 976. C6 bao nhiéu s6 phiic 2z théa man |z|(z — 6 — i) + 2i = (7 — 1)2?
A 2. B. 3. C. 1. D. 4.
Loi giai.
Taco|z|(z—6—1)+2i=(T—i)z< (|z2| =T+1i)z=06|z| + (|z]| — 2) . (*)

= | (2] = 7+1) 2| = 6]z + (|2] — 2)i] & [(|z| — 7+ 1] 2|2 = 36|22 + (|| —2)>  (**)
Dat t = |z| thit € R, ¢ > 0 va (**) tré thanh #* — 14¢3 + 131> + 4t — 4 = 0.
[t=1
t ~ 12,96

S{E-1D)t-13+4)=0% (chi nhan 3 gid tri t > 0).
t &~ 0,56

t~—0,5

Thay vao (*) ta duge 3 s6 phiic 2.

Luu y:

Dé chitng minh phuong trinh cudi ciing theo ¢ ¢6 3 nghiém ¢ > 0 ta can diing dén phuong phap ham
s6: chitng minh f(t) = ¢3 — 13t* + 4 = 0 ¢6 2 nghiém khong am déu khac 1.

Béng bién thién cta f(t) trén nita khoang [0; oo) nhu sau:

26
t 0 1 - +00
3
/') - 0 +
4 \ +00
T 8680
27
Chon dap an (B) O
Cau 977. Tim hai s6 = va y thda man (2z — 3yi) + (3 — i) = bz — 4i v6i i 1a don vi 4o.
A x=—-1y=—1. B z=-1y=1 Cr=1Ly=-1 Dz=1Ly=1
Loi gidi.
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Ta co

3r—3=0 r=1
2x —3yi))+(3—i)=br—4i<3r—-3+By—3)i=0& =
3y—3=0 y=1.

Chon dap an @ 0

Cau 978. Xét cac s6 phic z thda méan (Z — 2¢) (z + 2) 1a s6 thuan 4o. Trén mat phang toa do, tap
hgp tat ca cac diém biéu dién cac s6 phiic z 1d mot dusng tron c6 ban kinh bing
A. 2V2. B. V2. C. 2. D. 4.
Loi giai.
Dat z = a + bi v6i a,b € R.
Tac6 (z—2i)(24+2) =a*+2a+b*+2b—2(a+ b+ 2)i. Vi (z—2i)(z+2) la s6 thuan 4o nén
a?4+2a4+b0"+20=0& (a+1)*+ (b+1)*=2.
Trén mit phang toa do, tap hop céc sé diém biéu dién s6 phiic z 1a mot dudng tron ban kinh bing

V2.

Chon dép an (B) O
Cau 979. Cho hai s6 phiic 2; = 3 — 41 vi 29 = —2 + 4. Tim s6 phtc lien hop clia z; + 2.
A. 1+ 3i. B. 1-—3i. C. -1+ 3. D. —1-—3i.
Loi giai.
Tacozy+20=3—4i)+(—2+i)=1—-3i= 2, + 20 =1+ 3i.
Chon dap an @ O

Cau 980. Cho hai s6 phitc z; = 1 — 2i va 2o = 3 + 4i. Tim diém M bicu dién sb6 phiic z; - 25 trén

mét phé“ing toa do.

A. M(=2;11). B. M(11;2). C. M(11;-2). D. M(—2;—11).
Lo gidi.
Ta c6 21 20 = (1 — 2i)(3+4i) = 3+ 4i — 6i + 8 = 11 — 2i. Vay diém M (11;—2).
Chon dap an @ 0
Cau 981. Tinh mo-dun ctia s6 phiic 2z thoa man (1 +4)z|z| — 1= (i — 2)|z|.
A |zl =1 B. |z| = 4. C. |z| =2. D. |z| = 3.
Loi giai.

Ta thay (14+i)z]z| —1=(—2)|z| & (1 +1i)z|z| = (1 — 2)|2z] + 1.

Lay mo-dun hai vé ta dugc

li +1)[2)% = ||2]i + 1 — 2|2||
& V2L = /(1= 2J2])2 + |22
& 22t = (1 =202))% + |22
& 2z =5z +4)z|-1=0
|z| =1
20212 + 2|z = 3|z| + 1 = 0.

Ta chiing minh phuong trinh 2|z|* 4 2|z|> — 3|z| + 1 = 0 v0 nghiem.
Dat t = |z| diéu kién ¢ > 0. Xét ham s6 f(t) = 2¢3 + 22 — 3t + 1.
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L T2+V22
Ta c6 f/(t) = 612+ 4t — 3; f'(1) =0 & 612+ 4L —3 =0 & 0
£ £ o
t= 5 (loai)
Ta c6 bang bién thién sau
x 0 _2+—\/§ +00
6
J'(#) - 0 +
1 \ — 400
() 116 — 221/22
54
. . 116 — 22+/22
T bang bién thién ta thay f(t) > 5—4\/_ > 0,Vt > 0. Suy ra f(t) = 0 vo nghiém.
Vay |z| = 1.
Chon dap an @ O
Cau 982. Mo-dun ctia s6 phiic z = (1 +24)(2 — 1) 1a
A. |z| =5. B. |z| = /5. C. |z| = 10. D. |z] = 6.
Lo giai.

Ta c6 |2| = V12 + 22+ /22 + (—1)* = 5.

Chon dap an @ O

Cau 983. Goi 21, 2, 23, 24 1a bdn nghiém ctia phuong trinh z* + 322 +4 = 0 trén tap s6 phiic. Tinh
gia tri clia biéu thitc T = |21]* + |22 + |23]” + |2
A. T=28. B. T =6. C.T=4. D.T=2
Loi giéi.
Nhan xét: Cho s6 phitc z = a + bi, khi d6 ta luon c6 |z|* = |22|.
) 3 VT

22=C0C=—= — —
Giai phuong trinh 22 + 322 +4 =0« 2 2 (0, Cy e C).
9 3 Vi
i R Ry
Suy ra, phuong trinh da cho ¢6 4 nghiém théa man 2? = 22 = O, 23 = 22 = ().
Suy ra
T = |z + |2 + |25 + |2
= |z1| + [z + 5] + ||
= |Ci| + |Ch| + |Co| + |Cof
9 7
— 4\ /Z4+1 =38
4 * 4
Chon dap an @ OJ
Cau 984. Diém nao sau day biéu dién s6 phiic z = i(7 — 4i) trong mit phang toa do?
A. P(—4;7). B. M(4;7). C. Q(—4;-17). D. N(4;-7).
Loi giai.
Ta ¢6 z = 7i — 4i®> = 4 + 7i. Do d6 z dugc biéu dién béi M(4;7).
Chon dap an O
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Cau 985. Cho sb phiic z théa man |z — 3 + 4i| = 5. Biét ring tap hgp diém trong mit phang toa
do biéu dién céc s6 phitc w = 2z + 4 — i 1a duong tron c¢6 tam I(a;b), ban kinh R. Tong a + b+ R
bang

A 11. B. 9. C. 7. D. 4.
Loi giai.
Goi 2 =z—-3+4i=|2|=5vaz=2+3—4iTaco

w=2(+3—4i)+4—i=27+10— 9i.

Do d6 |w — (10 — 97)| = 2|2/| = 10. Suy ra tap hop diém trong mit phang toa do biéu dién cac sd
phitc w = 2z 4+ 4 — i 1a duong tron ¢6 tam 1(10; —9), ban kinh 10.
Vaya+b+R=10—9+10=11.
Chon dap an @ O
Cau 986. Cho s6 phiic 2 théa man didu kién |z — 2i| = |z + 1]. Tap hop nhitng diém M biéu dién
s6 phiic z trong mit phang toa do la dudng thang c6 phuong trinh ax + 4y + ¢ = 0, trong do a, c la
cac s6 nguyén. Tinh P = a + c.

A. 5. B. 1. C. -1 D. 3.
Loi giai.
bat z =2 +yi (z, y € R).
Khi d6 ta c6

|z —2i| = |z + 1]
ele+(y —2)il = [(z +1) — il

e+ (y =22 =/ + 17 + ()’
e+ (y—27%=(x+1)2 4y
S2r 4+ 4y — 3 =0.

Vaya=2,c=—-3. Dod6a+c= —1.

Chon dap an @ O
Cau 987. Cho hai s6 phiic 21, 2, théa man |3z —i| = |3 4 iz|. Biét rang |2, — 25| = /3. Tinh gia tri
bléu thic P = |Zl + 252|.

A. P =22 B.P:%. C.P:g. D. P=1.
Loi gidi.
Goi A, B 1a hai diém biéu dién s6 phtic z1, 2o trong mit phang toa y
do Oxy.
Goi z =z +yi, (x,y € R). B (3
I

Ta c6 |3z —i| = [3+iz| & 2 +y* = 1.

Suy ra A, B nam trén duong tron tam O ban kinh 1.
T |21 — 2| = V3 ta c6 khoang cach AB = /3. O
Khong mat tinh tong quat, ta vé hai diém A, B déi xing nhau
qua truc tung thoa AB = V3.

V3.1
279

V3.1

Goi I 1a trung diém AB suy ra A = ( > 5)

Vay |21 + 22| = 1.

) va B(
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1
Céch khac. |21 — 2 = V3 & (11 = 22)" + (11 = 10)* = 3 & 21w +y1y> = =3,
Khi d6 |21 + 22| = /(@1 + 22)2 + (y1 + 12)% = V(23 +yd) + (23 + v2) + 2(x122 + y132) = 1.
Chon dap an @ OJ

Cau 988. S6 phtic z =a+bi (a,b € R) théa man |z — 2| = |z| va (2 +1)(z — 1) 1a 86 thuc. Gia tri
ctia biéu thiic S = a + 2b bing bao nhiéu?

A S=-3. B. §=0. C. S=-1 D. S=1.
Loi giai.
z=2|=]|l & /(@-2?2+=Va®+ P & (a-20=a*<a=1.
z+1)z—-9)=(a+1+bi)a—bi—i)=ala+1)+bb+1)— (a+b+1)i.
Vi(z+1)(z—4)lasothucnena+b+1=0=b=—-2.
Vay S =a+2b=—3.

Chon dap an @ O
Cau 989. Cho s6 phiic z thdéa man |z — 1| = |z —4|. Tim mo-dun nho nhat ctia s6 phic w =
22+2—1. /s
3 3 3vV2
A —. B. 3v2. C. —. D —.
2 V2 22 2
Loi giai.

Gia sit z = a + bi v6i a,b € R. Ta ¢6
lz—1l=|z—i|e|la—1+bi|=la+(b-1i| <= (a-1)2+*=a*+(b-1)*<=a—-b=0.

Khidow=2(a+ai)+2—i=2a+2+ (a—1)i.

1\ 9 3v2
Suy ra |w] = /(2a+2)?+ (2a — 1)2 = V/8a? + da+ 5 = \/8 (x—l—Z) +3 > T\/_
s s e 3v2
Vay mo-dun nho nhat ctia s6 phic w 1a %—
Chon dap z’m@ OJ

Cau 990. Xét cac s6 phic z = a + bi, (a,b € R) théa man |z — 1 +2i| = /5. Tim P = 16a + 8b
biét |z + 1+ i| + |z — 1 + 44| dat gia tri 16n nhat.

A. —36. B. V/58. C. 58. D. 40.
Loi giai.
Tacé|z—1+2i|l=vV5e (a—1)>+ (b+2)? =5< a® + > = 2a — 4b.
M=|z4+1+il+]z—1+4i|=/(a+ 12+ (b+1)>+ /(a—1)2+ (b+4)2

Ta cb

M2

IA

2[(@+1°+(b+1)*+ (a—1)*+ (b+4)?]
2[2 (a® +b%) + 10b + 19]

2[2(2a — 4b) + 10b + 19]

2 [4a + 2b+ 19]

2[4(a—1)+2(b+2) + 19].

VAN VAN VAN

IN

Mt khac 4(a — 1) +2(b+2) + 19 < /(@2 + 22) [(a — 1) + (b + 2)?] + 19 = 29 nén M? < 58.

45

P 4a+ b =10 a ==
Do d6 M dat gia tri 16n nhat bang /58 khi & 165 )
V58 = Vda — 2b+ 2+ V4b + 17 p—_2

8
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Suy ra P = 16a + 8b = 40.
Chon dap an @ O

Cau 991. S6 nao trong cac s6 phiic sau 1a s6 thuyc?

A (1+20) 4+ (=14 29). B. (3+2i)+ (3 —29).
C. (5+2i) — (V5 —2). D. (V3 — 2i) — (v/3 + 2i).
Loi giai.
S6 phiic ¢6 phan 4o bang 0 1a s6 thyc. Do d6 (3 + 2i) + (3 — 2i) = 6 1a s6 thue.
Chon dap an O

Cau 992. Gia st A, B theo tht tu 1a diém biéu dién ciia cac s6 phiic 2, zo. Khi d6 do dai ciia véc-to
AB bang
A |z — |2 . B. |z1| + |22 . C. |29 — 2] . D. |z + z|.
Loi giai.
Gid st 21 = @1 + Y11 VA 2 = Xo + yoi trong d6 xy,y1, Ta, Yo 1& cac sO thiue. Theo gid thiét thi
Az1;91), B(2a; y2).-
Ta c6 \A—B)| = /(z2 —21)%+ (y2 — y1)%
Lai ¢6 |20 — 21| = |(w2 — 21) + (y2 — )i = /(@2 — 21)2 + (y2 — 11)2
Vay |/Té[ = |zp — 2z1|.
Chon dap an @ 0

Cau 993. Cho sb phitc 2 = 2 +yi (r,y € R) théa man: z+ 1 —2i —|z|(1 —4) = 0. Trong mat phang
toa do Ozy, M la diém biéu dién ctia s6 phitc z. Khi d6 M thudc dudng thing nao sau day?

Alz—y+2=0. B.z+y—-1=0. C.zx+y—2=0. D.z4+y+1=0.
Loi giai.

T gid thiét ta co

r+yi+l1—2i—y/22+y*1—-i)=0 (x+1—V22+12)+ [y + Vel +y>—2)i=0
r+1—y224+y>=0
=
y+22+y2—2=0

Sy=1l—zhayzr+y—1=0.
Diéu d6 chitng t6 M thudc dudng thing v +y — 1 = 0.
Chon dap an O

Cau 994. Cho hai s6 phiic z, 2’ théa méan |z +5| =5 va |2’ + 1 — 3i| = |2/ — 3 — 6i|. Tim gia tri nho

nhét ctia |z — 2/|.

5 5
Aﬂa B.Z C. V10. D. 31/10.
Li giai.
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Goi M(x;y) va N(2';3) 1an lugt 1 diém biéu dién cho sd Ay
phtic z va 2.
Do |z + 5| = 5 nén M thuoc duong tron tam I(—5;0) ban
kinh R = 5. N
Lai ¢6
@
|2/ +1—3i| = | — 3 —6i I 0
& | +yi+1-3i=]2"+yi—3— 61
& @+ 1)+ =3l =" = 3)+ (y - 6)i
& (@+1)+ -3 =@ -3+ —6)
& 20 4+1—-6y +9=062"+9—12y + 36
& 82/ +6/—35=0 (A).
Suy ra N thuoc dudng thang (A). Khi d6 |z — 2/| = MN, vay |z — 2/| nhé nhat khi M N nho
nhéat. Dya vao hinh vé ta thay gia tri nhd nhat bang d(I,A) — R = |_4g—0_35| —5= g
Chon dap an @ O

Cau 995. Cho s6 phiic z théoa man z|(1 + 3i)|z| — 3+ i| = 4v/10 va |z| > 1. Tinh |z|.

—14++65 1++65 —1++65 1465
Azl =\ == B l|= |75 C =y =52 D=/

Loi giai.
Tu phuong trinh va gid thiét suy ra z ¢6 dang z = z, (x > 0,]|z| > 1,z € R).
T phuong trinh ta c6

z|(1 4 3i)z — 3+i| = 4V10 < z|(z — 3) 4+ (3z + 1)i| = 4V/10

& ay/(x—3)2+ (Br +1)2 =410 & 22(2® — 62 + 9 + 92 + 62 + 1) = 160
—1 465 —1 465
& x4+x2—16:0<:>x2:+:>x:\/+.
Chon dép &n (C) O
Cau 996. Tim céc s6 thuc 2,y thoa man 2z + 1+ (1 — 2y)i = 2 — z + (3y — 2)i.
1 3 3 1 1 1
Arx=—y=—. B zx=1y=—. Cr=Ly=—. D zx=-y=—.
T 373/ 5 T Y 5 x Y 5 Z Say 5

Loi giai.
Ap dung dinh nghia hai s6 phiic bing nhau ta ¢6 hé phuong trinh

1

2r+1=2-x =3
=
3
1-2y=3y—2 y==

1
Chon dap an @ O
Cau 997. Trong céc s phu’c (1+14)3, (1414)*, (1414)®, (1+4)° s6 phtic nao 1a s6 phtic thuan 40?

A (1+14)5. B. (1+14)5 C. (1+1)% D. (1+4)*%

Loi giai.

(140 =2i =2, (1+i) = —4, (1 +4)° = —4(1 +1), (1+4)° = —8i.
Vay s6 thuan 4o la (1 + 1)S.

Chon dap an O
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Cau 998. SO phiic z théa man z — (24 3i)z =1 —9i 1a

A —-3—u. B.2—u. C. 2+ D. -2 —q.
Loi giai.
Diat z =a+bi (a,b € R), ta c6

z2—(2431)z2=1-9%<a+bi—(2+3i)(a—bi)=1—9:
—a—3b=1
4
3b—3a=-9

a=2
=
b= —1.

Chon dap an O
Cau 999. Goi a,blan ugt 1a phin thye va phin do ciia so phite = = (vZ+3i) . Tih T = a+2b

A T=-7+12v2. B.T=-T+6V2. C.T=12-T/2. D.T=-7-12V2.
Loi giai.
Tacoz=(V2+3i) = -T+6V2i=T=at2=—7+12V2
Chon dap an @ ([l

Cau 1000. Cho s6 phtic z = 2+ 5i. Goi a, b 1an lugt 1a phan thite va phan 4o ctia s6 phitc w = iz +7Z.
Tinh tich ab.

A. —9. B. —6. C. 9. D. 6.
Loi giai.
Tacow=1iz+Z=1i(24+5() +2—5i=—3 —3i. Suy raab=9.
Chon dap an @ O

Cau 1001. Goi C la tap hop céac s6 phite. Xét cac khang dinh sau
@D 22>0VzeC. 2 2% =|2%| Vz e C. A |z] = 2] Vz € C.

S6 khiang dinh ding 1a

A. 0. B. 1. C. 2. D. 3.
Lo giai.
Ta c¢6 3> = —1 < 0 va |i?| = 1 nén ménh dé a) va b) sai.
Chi c¢6 khang dinh ¢) ding.
Chon déap an OJ
Cau 1002. Cho s6 phitc z thoa man (1 + 2)? 1a s6 thue. Tap hop cac diém M biéu dién s6 phiic 2
la
A. Hai duong thing.  B. Duong thang. C. Parabol. D. Duong tron.
Loi gii.
Dit z =z + yi, (r,y € R). Khi d6 (1 + 2)? = (x + 1)* — y* + 2(x + 1)yi.
r=—1
(1+ 2)? 1a s6 thyc khi 2(z + 1)y =0 &
y=20
Vay tap hop cac diém M la hai duong thang di: 2 +1=0,dy: y = 0.
Chon dap an @ O
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Cau 1003. Cho s6 phiic z. Goi A, B lan lugt 1a cac diém trong mit phéng toa do Ozy biéu dién s6
phtic 2z va (1 +7)z. Tinh mo-dun ctia z, biét dién tich AOAB bang 32.
A |z = 4V2. B. |z| = 4. C. |z| =8. D. |z] =2.
Loi giai.
Gid st z = a + bi (a,b € R) ta c6

(1+i)z=(1+1i)(a+bi)=a—b+ (a+b)i.

Ta c6 OA = Va? +b%,0B = /2(a® + b?).

- = 2 2 —_—> ——>
coS (OA,OB) = @ t5 = ﬁ & sin <OA,OB> =
Va2 +02.4/2(a® +2) 2

[

Theo gia thiét ta co
1 —
SAOAB =32 & 5014 OB -sin AOB = 32

1 o V2
= §VCL2+62' 2(a2+62)7:32

& a®+ bV =64=|z| =8

Chon dap an @ O
Cau 1004. Tinh modun ctia s6 phiic z biét z = (20 — 1)(3 +1).

A |z| = 2V5. B. |z| = 5V2. C. |z| = V10. D. |z| = v/26.
Loi giai.
Tac6zZ=(2i—1)(3+4)=—5+5i=2=5+5 = |2| = 5V2.
Chon dap an O

Cau 1005. Cho ba s6 phtic 21, 29, 23 khong phai 14 thiyc, thoa man dieu kien 2, + 2o = 4 va |z, — 2| =
|zg — 2| = |23 — 2| = 1. Tinh gia tri biéu thic T = |z3 — 21|> + |23 — 2|
A. T =12 B.T=1. C.T=4. D. T =8.

Loi giai.

— Goi A, B, C lan luct 1a diém biéu dién clia 21, 20, 23 trén mit phang toa do.

— Tu gid thiét |21 — 2| = |20 — 2| = |23 — 2| = 1 suy ra A, B, C thuoc duong tron tam 7(2;0) ban

kinh R = 1.

— Tit gia thiét z; + 2o = 4 suy ra [ la trung diém ctia AB nén AB = 2R = 2.

— T = |23 — 21]* + |23 — 22/ = AC? + BC? = AB* = 4R* = 4.
Chon dap an (C) O

Cau 1006. Cho s6 phtic z = a+bi, a,b € R,a > 0thoéa ||z — 1| + 2 — 2| = a = b. Tinh |2(1 + 2)|.
A. 3V2. B. V10. C. V5. D. V2.

Loi giai.

Via=0bnén z =a+ ai.

Tacé||z—1|—|—z—2|:a<:>< (a—1)2—|—a2+a—2)2—|—a2:a2<:> 202 —2a+1=2—-a

2—a>0 a<?2

& & Sa=1(via>0).
{2a2—2a+1:4—4a+a2 {a2—|—2a—3:()

Khi d6 |z(1+7%)| = [(1 +4)(1 +1—14)| = V/10.

Chondépén O
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Cau 1007. Trong mat phang phic, diém M(1; —2) biéu dién s6 phiic 2. Mo-dun ctia s6 phiic w =
iz — 22 bang
A. 26. B. V6. C. V/26. D. 6.
Loi giai.
Tacoz=1—2inén w=1z—22=4i(1+2i) — (1 —2i)> =1+ 5i.
Vay |w| = v/12 4 52 = 1/26.
Chon dap an @ O

Cau 1008. Goi S la tap hop cac sd phiic z sao cho z — 2iz + 1 — 3i 1a s6 thue va 22 1a s6 thuan do.
Téng cac phan tit ciia tap hop S 1a
A —4— 2. B. 4 —2;. C. -2+ 4. D. 1+
Loi giai.
bDat z =a+bi v6i a,b € R. Ta ¢6
— 2-2iz4+1-3i=(a—2b+1)+ (—2a+b— 3)i.
Viz—2iZz4+1—3ilasdthucnén —2a+b—3=0.
— 22 =a® — b® + 2abi.
Vi 22 1a s6 thuan 4o nén a? — b? = 0.
—2a+b—3=0 b=2a+3 b=1 b=-3
Ta c6 hé phuong trinh & & \%
{a2—b2_0 {3a2+12a+9—0 { 1 {
Vay S = {—1+14; -3 — 3i}, tong cac phan ti clia S 1a —4 — 2i.
Chon déap an @ OJ

Cau 1009. Cho s6 phiic z thda méan |z — 1| = 2. Biét ring tap hop cac diém biéu dién cho s6 phiic
w = (1 + 2\/3) z + 2 la mot duong tron. Tinh ban kinh r ctia dusng tron do.
A r=2V3. B. r=4. C.r=3. D.r=2.
Lo gii.
Ta c¢6 |z — 1| = 2. Khi d6

(1+7,\/_)z—|—2 & w—(1+2\/_)(z—1)~|—3—|—2\/_
& [ ( +z\/_)} (l—l—i\/_>(z—1)
= ‘w— 3+Z\/_) ‘1+Z\/_‘ |z — 1]

= ‘w— 3—1—2\/_): -2=4.

Gid st w =x +yi, x,y € R. Ta ¢

’w—<3+i\/§)‘:4@\/(m—3)2+(y—\/§)2:4(:)(9c—3)2—|—<y—\/§>2=16.

Suy ra r = 4.
Chon dap an 0
Cau 1010. Cho s6 phtic z =a +bi (a,b € R) théa man z + 2+ = |z|. Tinh S = 4a + b.
A . S=-3. B. §=4. C. S=-1 D. S=—
Loi giai.
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— Ta ¢b
z24+2+1i=|z2|
= z=(]z|-2)—1
= el =12 —2) ]
= |zl =+/(lz2]| —2)2+1
= P = (-2 41 el = o,
-3

—Khidéthiz:—z—z’éa: ,b=—-1=85=—4
Chondépén@ O

Cau 1011. Cho s6 phtic 2z thod méan diéu kién |22 — 22 + 5| = [z — 1 — 2i|. Gi4 tri 16n nhat cta
|z — 2+ 2i| bang

A V17 + 1. B. 5. C. 2. D. V13 +2.
Loi giai.
Ta ¢co

|22 =2245|=2-1-2i] & [(z—1)"—4*| =]z —1-2i
& |z—1-2i-|z2—14+2i|=2—-1-2i]. (%)

Ma véi z =a+ bi, a,b € R, ta co

2142l =(a—1)2+ (b+2)2=/(a—1)2+ (~b—2)2 = [z — 1 - 2il.

Do do
|z —1—-2i| =0
(%) <
|z —1+2i| =1.
o Trusng hop |z — 14+ 2i| =0 2=1—-2i = [z —2+2i| = | — 1| = 1.

e Truong hop |z — 1 —2i| =1, ta ¢
2= 2+ 2 +1—4i|=1 = |z—2+2i]—[1—4i] <1
& 2—2+2 <141 -4 =1+V17.
2 —1-2i|=1
2 —2+2i| =1+ V1T
giao diem ctia duong tron tam I;(1;2), ban kinh R; = 1 va dudng tron tam I5(2; —2), ban kinh
Ry =14 +17. Tac6 I, = /17T = Ry — Ry. Do d6 M 1a diém tiép xtc trong ctia hai duong tron
nay.
Vay gia tri 16n nhét ciia |z — 2 + 2i| biang 1 + /17,
Chon dap an (A) O

Diang thiic x4y ra < { Diém M biéu dién s6 phitc z thda man hé nay la

Cau 1012. Cho s6 phiic z = 3 — 2i. Trong mat phang toa do Ozy, diém nao dusi day la diém bicu
dién s6 phiic iz?
A. M(—2;3). B. M(2;3). C. M(3;-2). D. M(—2;3q).
Loi giai.
Tacoz=3—-2i=12=2+ 3.
Diém biéu dién s6 phic iz 1a M (2;3).
Chon dap an O
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Cau 1013. Cho S =1+i+42+... +4%8 (v6iila don vi do ). Khi d6 S?® bang
A -1. B. 1 C. 2018 . D. i.
Li giai.

S:1+Z+22+ +Z-2018: 1_@2019: 1_(Z'2)1009Z': ].—|—Z
1—1 1—1 1—1

Chon dap &n (A) O

=i= 5 =_1.

Cau 1014. Cho hai s6 phtic 2; = 2 + 37 vd 25 = —3 — 5. Tinh tong phan thiyc va phan 4o clia s6
phtic w = z1 + 2.

A. 3. B. -3. C. 0. D. —-1-2i.
Loi giai.
Ta c6 w = —1 — 2§ = tong phan thiyc va phan 4o clia s6 phiic w 1a —3.
Chon dap an O
Cau 1015. Cho s6 phtic z thoéa man z+4%z = 7+i(z—7). Khi d6, mo-dun ctia z bang bao nhiéu?
A. 2| =3 B. |z| = 3. C. |z| = V5. D. |z| =5.
Loi giai.

Gidstz=x+yi (z, y € R). Taco

24+ 4zZ=T+iz-T e ao+tyi+4d(e—yi) =T+i(r+yi—T7)
dx+y—7=0 {x:l
=

& Gr4+y—T+i(—z—-3y+7)=0&
—z—3y+7=0

y = 2.

Mo-dun ctia s6 phitc z 1a |z| = v/12 4 22 = /5.

Chon dap an @ OJ
Cau 1016. Cho ba s6 phiic 21, 29, 23 khong phai 1a s6 thuan thyc, thdéa man dieu kién z; + 2o = 4
va |21 — 2| = |22 — 2| = |23 — 2| = 1. Tinh gia tri bieu thic T = |23 — z1|? + |23 — 2|

A. T =12 B.T=1. C.T=4. D. T =8.
Loi giai.

— Goi A, B, C lan lugt 1a diém biéu dién cilia 21, 29, 23 trén mit phang toa do.

— T gid thiét |z; — 2| = |20 — 2| = |23 — 2| = 1 suy ra A, B, C' thuoc dudng tron tam 7(2;0) ban
kinh R = 1.

— Tit gia thiét z; + 2o = 4 suy ra [ 1 trung diém ctia AB nén AB = 2R = 2.

— T = |z — 2]+ |23 — 2> = AC? + BC? = AB?> = 4R* = 4.

Chon dap an @ O
Cau 1017. S6 nao sau day la s6 thuan 4o?
A (1+4)% B. (1+1)3. C. (1+14)°. D. (1+14)S.
Loi giai.
Ta co
L+t =(1+2i+:?)? =4 = —4.

— (1+14)

— (144> =1+49)? (1+1)

— 14+ =Q+)* (1+i)=—4-(1+1)=—-4—4.

— 1+ =(1+4)° (14+i)=—4-(1+4)(1+1i) = —8i la s6 thuan 4o.

ChQﬂdépéﬂ@ O

2i - (1+1i) = —2+2i.
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Cau 1018. Cho hai s6 phtic 21, 2, théa man |z;| = |2z| = 2, |21 + 22| = 2v/3. Tinh |2z; — 2|

A. |21—22‘ :\/g B. |Zl—22|:2. C. |21—22’:3. D. ‘21—22|:O.
Loi giai.
Goi A, B lan luot la cac diem biéu dién sac s6 phic zq, 2. B C

Khi d6 OA = |z1| =2, OB = |2| = 2.

Dung hinh thoi OACB, khi d6 C' la diém biéu dién sb phiic

21+ 29. Do d6 OC = |z + 2| = 2V/3.

Goi I 1a tam hinh thoi OACB, ta c¢6 Ol = % = /3.

Tit d6 A = VOAZ —OI? = 1. Suy ra AB = 2IA = 2.

Béi vay |z1 — 23| = AB = 2. O A

Chon dap an O

Cau 1019. Trong mat phang phiic, goi M 1a diém biéu dién s6 phiic (z — 2)2 v6i z = a+bi (a,b € R,
b # 0). Menh dé nao sau day dung?

A. M thuoc tia do6i clia tia Oy. B. M thuoc tia Oy.
C. M thuoc tia déi cta tia Oz. D. M thuoc tia Ox.
Loi giai.

Ta c6 (z —2)° = (a+ bi — a + bi)* = 4b%i> = —4b?. Do gia thiét suy ra M thuoc tia déi ctia tia Oz.

Chon dép &n (C) O
Cau 1020. Cho s6 phitc z = 2 + 3i. Tinh =.
z
54 12i — 6i 12 —5—12i
A o120 B 2% c 2 1% p, —0 12
13 11 13 13
Li giai.
Ta co
z z-z 2 (2431 5412
z zZ-z |22 22432 13
Chon dap an (A) O

Cau 1021. Cho cac s6 phitic zy, 2o théa man ba dicu kién |z; — 4 — 3i| = 5; [z — 4 — 3i| = 5 va
|21 — 23| = 5. Goi S 1a tap hgp chia tat ca cac s6 kiéu |z; + 323|. C6 bao nhiéu s6 nguyén trong tap
S?

A. 40. B. 38. C. 39. D. 37.
Loi gidi.
Goi A, B lan lugt 1a diém biéu dién ctia s6 phtic z;; 2, va K (4;3). K

T gid thiét ta c6 AK = BK =5 va AB = 5.

Goi F la diém théa man E_Z+3E_§ — 0= E_E = ;LE

Ta ¢6 |21 + 32| = |OA + 30B| = |OF + EA + 30E + 3EB| = 40F.
AKAB déu canh bang 5 ¢6 M 1a trung diém AB va E 1 trung diém MB.

Ta co

KE:\/m:\/(¥) +(§)2:%1_3.
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5v/13
4

Suy ra E di dong trén duong tron tam K (4;3) ban kinh r = ——. Ta ¢6

OK —r <OE < OK +7 < 4(OK — 1) < 40F < 4(0OK + 1) © 20 — 5V13 < 40FE < 20 + 5V/13.
Trong doan [20 — 5v/13; < 20 4 5v/13] ¢6 37 s6 nguyen.

Chon dap an @ O
Cau 1022. Cho (2 — 2)?"® = g + bi;a,b € R. Tinh gia tri ctia biéu thitc P = a + b.

A. —81009, B. 81009, C. —41009, D. 41009,
Lo giai.
Ta co

(2 . %)2018 _ 92018 [(1 . 1)2} 1009 _ 92018 (—22’)1009 _ _gloo9;

Vay a =0, b= -89 va P = q + b = —810%9,
Chon dap an @ 0
Cau 1023. Cho hai s6 phiic 2 = 2 — 27, 2o = —3 + 3i. Khi d6 s6 phiic 2; — 25 1a

A. -5+ b5i. B. —5i. C. 5— 5. D. —1+:.
Loi giai.
Ta 6 21 — 20 = (2 —2i) — (=3 + 3i) = 5 — bi.
Chon dap an @ O

Cau 1024. Trong mat phang toa do Ozy, biét tap hop cac diém biéu dién s6 phiic z théa man
|24 2> + 2|1 — 2> + 3|2z — 2+ i|° = 2018 1a mot dudng tron. Tim tam [ ciia dudng tron do.
A. (%7 —g) B. <—%l; g) C. (1;1). D. (%, —g)
Loi gidi.
Gia st z =z 4+ yi, z,y € R. Khi d6 ta ¢
2+ (y+2)i° + 21—z +yil* + 3|z — 2+ (y + 1)]° = 2018
e 2+ (y+2)?+2(1 —2)?+2y° +3(x —2)2 +3(y +1)* = 2018
& 622+ 6y? — 162 + 10y — 1997 = 0

- (x_g)2+( +§>2_12071
3 Y76) = 36

e a s 4\ 5\ 12071
Vay tap hgp diém bieu dién so phiic z 1a dudng tron <x — §) + (y + 6) = 35 c6 tam la
4
1 (—; —§)
37 6
Chon dap an @ O

Cau 1025. Cho s6 phiic z = a + bi, (a,b € R) théa man z + 1+ 2i — (1 +1)|z| = 0 va |z| > 1. Tinh
gid tri clia bieu thic P = a + b.
A. P=3. B. P=-1 C. P=T. D. P=-5.
Loi gidi.
Véi z = a + bi ta co:
a+1=vVa+0?
b+2=+Va>+1?
20 =b* — 1 (1)
160+ 16 = (b* — 1)* (2)

24 142— (1412 =0 a+bi+1+2=(1+1) a2~|—b2<:>{

a?+2a+1=a*>+b°
W24+204+1=a®+ b

(aZ—l,b2—2)<:>{
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b= —
Ta c6 (2) & b — 202 — 16b— 15 =0 < (b+ 1)(b— 3)(b> + 2b+5) = 0 < :
= 3.
V6ib=—1=a=0= z=—i (khong théa man |z| > 1).
V6i b=3=a=4= z=3+4i (théa man).
Vay P=a+b=T.
ChQﬂdépéﬂ@ O

Cau 1026. Trong mit phang toa do Ozy, cho s6 phiic z théa méan |z — 1| = |z — i|. Quy tich céc
diém biéu dién s6 phiic w = (3 — 44) z + i 14 dudng thang c6 phuong trinh

A 7Tx—y—1=0. B.z—-Ty+1=0. C.T7Tx—y+1=0. D 7z +y+1=0.
Loi giai.
bat z=z+yi=72=2—yi.
Ta c6
2 =1 =/ (z = 1)" + 42
Z—i| =22+ (y+1)%

Theo gia thiét thi v/(z —1)* 4+ 32 = /22 + (y — 1)* & y = —z.
Xét s6 phitc w = (3 — 4i) (z + yi) = Bz +4y) + By — 4 + 1) 4.
Goi M’ (z';y') 1a diém biéu dién s6 phitc w.

r =X
= syYy=Tr'+1T7r—-—y+1=0
y =—-Tr+1
Chon dép an (C) O
Cau 1027. Tinh gia tri ctia bidu thitc P = Clyg — Clgig + - + (—1)FCEREL .. 4 C2017.
22018 -1 22018 + 1
A. P = 21009 B. P =0. C.P=="——. D.P:T.
Loi giai.
Ta co
2018

)2018 } : 2018—kpk
Véi i? = —1, ta ¢

(1 + )2018 C(2)018 + C2OISZ + C2018Z +. ngigzzols (1)

(1- )2018 0(2)018 C2018z + C2018Z +...+ 0381222018 (2)
Lay (1) trit (2) theo vé ta dugc

(140)*"" — (1 —4)*"® =2i (0%018 + Choist” + Coopei* + ... + 038%512016)

Ma
(2‘2)2k — 17 (2‘2)2k+1 — _1’ véi m(_)i Lk € N.
Suy ra,
P = (1 + i)2018 _ (1 _ i>2018 _ (QZ')1009 — (_2i)1009 —9. (2Z'>1008 _ 91009
21 2% .
Chon dap an @ 0O
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Cau 1028. Tim s0 phtic théa man i(z — 2 4 3i) = 1 + 2.
A =444 B. z=-4—4. C.z=4—4. D. z =4+ 4.
Loi giai.
Tacoi(F—2+31)=142ic F+2-3i=i—2c7=4—4i
Khi d6 z =4 + 4.

Chon dap an @ O
Cau 1029. Cho s6 phtic z; = 3+2i, 25 = 6+ 5i. Tim s6 phiic lién hgp clia sé phiic z = 621 +52».

A. Z =51+ 40:. B. z =48 — 37i. C. Z =51 —40:. D. z=48 4+ 37.
Loi giai.

Ta ¢6 z = 62 + 52 = 6(3 4 2i) + 5(6 + 5i) = 48 + 37i.
Vay z = 48 — 37i.

Chon dap an O
Cﬁu 1030. Tinh téng S - C%Olg - 30%018 _I_ 32C2018 - ‘I’ 31008038%’;.
A. 22017 B. 22018, C. 22017 _ 1. D. 22018 _ 1,
Loi giai.
Ta cb

(1+z‘x/§

2018
1 V3 .
<~ 22018 (_ + Z_) - (0(2)018 - 303018 + R 3100903812) + Z\/g (C%Ols - 303018 + e + 310080

)2018

, 2 . =\2018
= Chors + 1V3Ch015 + (Z\/§) Cos + - + (Z\/ﬁ) Clots

2 2

1 V3 .
& 200 <_§ + ZT) - (0(2)018 - 303018 +e = 3100903812) +iV3 (C%ms - 30%018 +-- 4 3190
2018 V3 V3 (CL 3 205 1008 (2017
= 2 5 =V3 (62018 —3C505 +3°Copg — - +3 C2018)
= \/§S — \/g . 22017
= S — 22017‘
Chon dap an (A) O

Cau 1031. Cho céc s6 phiic z théa man |z —i| = |z — 1 + 2i|. Tap hop cac diém biéu dién cac sb
phitc w = z + 2¢ trén mat phéng toa do 1a mot dudng thing. Phuong trinh duong thang do la

A x—-3y+4=0. B.z+3y+4=0. C.rx—4y+3=0. D. —x2+3y+4=0.
Loi giai.
Ta c6 z = w — 2i. Thay vao gia thiét = |w — 3i| = |Jw — 1].
Goi w = x + yi v6i z,y € R. Khi d6

e +yi—3i|=|r+yi—1] & |z+(y—3)i| =z —1+yi
e Vet =32 =y (e 124y
& r—-3y+4=0.

Chon dap an @ O

Cau 1032. Tinh gi4 tri ciia tong phan thyc v phan 4o clia s6 phitc z biét z = (2 4 )2
AT B. 6. C. 8. D. —1.
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Loi giai.
Ta co z = (2+1i)? =4+ 4i + 4% = 3+ 44. Vay tong phan thyc va phan 4o clia z bang 7.
Chon déap an @ OJ
Cau 1033. Cho s6 phiic z théa man z + 2z = 3 — 2i. Tim phan 4o cua z.
A -2 B. —1. C. 1. D. 2.
Loi giai.

Goi 2 = a+ bi, (a,b € R). Tu gi thiét, suy ra
3a =3 a=1
(a+bi)—i—2(a—bz’):3—2i<:>3a—bi:3—2i<:>{ <:>{
b= -2

Vay phan 4o ctia z bang 2.

Chon dap an @ OJ
Cau 1034. Cho s6 phtic 21, zp théa man |z + 29| = 3, |21] = 1, |22] = 2. Tinh 2; - Z3 + 21 - 29.

A. 2. B. 8. C. 0. D. 4.
Loi giai.

Co |Z1+22| =3& <Z1+22> (2’1 +22) =9 <Z1+22) (Z_1+Z_2> =< |Zl|2+Z1-Z_2+Z_1-ZQ+|Z2|2 =0.

Ma |z1| =1, |z =2nén 21 - 2o+ 21 - 20 =9 — 12 — 22 = 4.

Chon déap an @ OJ
Cau 1035. Téng 2 s6 phtic 1 + i va v/3 + ¢ bing
A 1+V3+2i B. 2i. C.1++3+i. D. 1+/3.
Loi giai.
Tacol+i+vV3+i=1++3+2i
Chon dap an @ O

Cau 1036. Cho s6 phiic z = a + bi (a,b 1a cic s6 thyc) théa man z - |z| + 22 + 7 = 0. Tinh gia tri
clia biéu thiic T = a + b%.
A T=4/3-2. B. T =3+2V2. C.T=3-2V2 D. T =4+2V3.
Loi giai.
Taco z-|z|+22+i=0< 2-(]z]| +2) = —i. Liy mo-dun hai vé, ta dugdc

1z (|| +2) =1 |22+ 22| - 1=0< |z| = -1+ V2.

=3 —2V2.
1+v2 1++2 v2
Chon dap an (C) O

Do d6 z =

:>a+b2:0+<

Cau 1037. Cho hai s6 phiic 2 = 5+ 2i va 2/ = 1 — 4. Tinh mo-dun ctia 6 phiic w = z — 2/,

A. 5. B. 3/5. C. V17. D. V/37.

Loi giai.

Taco|w|=|z—2|=15+2—(1—4)| = [4+3i]| = V42 +32=5.

Chon dap an (A) O

Cau 1038. Goi z = a+bi, véia,b € R, 1a 86 phitc thdoa man (1+4)z+3z = 9+44. Tinh T = a+b.
A.T=-1 B.T=1. C.T=T. D. T =-3.

Loi giai.
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Ta co

(14+i)z+32=9+4i
& (1+i)(a+bi)+3(a—0bi) =9+4
& a+bi4+ai—b+3a—3bi =9+ 44
& (da—b)+ (a—2b)i=9+4

4a—b=9
=
a—2b=4

a=2
=
b= —1.

VayT=2-1=1.

Chon dap an O
Cau 1039. Cho i la don vi 40. Gia tri clia biéu thic z = (1 + )% 1a
A. 2. B. —i. C. —2u. D. .
Loi giai.
Tacoz=(1+1i)*=1+ 2+ = 2.
Chon dap an @ 0

Cau 1040. Tap hop tét ca cac diém trong mat phing phic biéu dién cho s6 phitc z théa man diéu

kien 22 = (2)? 1a

A. truc hoanh. B. gom ca truc hoanh va tryc tung.
C. dudng thang y = . D. truc tung.
Loi giai.
Gia st z = = + yi, véi z,y € R.
x=0
Khi d6 2? = (2)? & 22 —y? + 22yi = 2% — y* — 22yi & dayi = 0 & .
y = 0.
Vay tap hop cac diém trong mat phing phtic biéu dién cho s6 phiic z 1a truc hoanh va truc tung.
Chon dap an 0

Cau 1041. Cho cac sb phic z1, 29 thda man |z1| = 1; 29| = 2 va 21 - Z3 1a 86 thuan do, tinh |z; — 2.
A V2. B. V3. C. 2. D. V5.

Lai gidi.

Vi 2175 1a s6 thuan 4o nén 2,23 + 2123 = 0.

Taco |21 — 202 = (21 — 20)(Z1 — %) = ]21|2 + |2 — (5172 + 2271) = 5 — (2175 + 2122) = b.

Vay |21 — 22| = V5.

Chon dap an @ O

Cau 1042. Cho S = |—CYy;5 + 3C3015 — 3°Chpg + - - - — 3108CHIE 4 31019C2E|. Hoi S ¢6 bao nhieu
chit s6.
A. 607. B. 608. C. 609. D. 610.
Loi giai.
Dat f(z) = (1+2)*8 ta co

f(z) = Cpis + Chpiam + Chopea® + - - - + Cogiaa™™®.
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Suy ra
f <\/§Z) - C(QJOlS + \/gicéms + 3i20§018 +oet 31009i20180§8%§
= C15 + V3iChyyg — 3055 + - - - — 3'°°CHS,
f <—\/§2) = 08018 - \/§iC5018 + 3i2C§018 +oe Tt 31009@2018C§8%§
= Cgms - \/32’(]%018 - 303018 +e = 31009038%2-
7 (V3i) + £ (=31)]
Suy ra S = 5 . Mat khac, ta co
2018 2018
f (\/gz) = (1 + \/§Z> — 92018 (cosg + 7sin %)
2018 2018 1 3
_ 92018 (cos T +isin W) s (1, V3 ,
3 3 2 2

f <_\/§Z) _ (1 B \/gi)zols _ 92018 [cos <_%> +isin (_g)]QOlS

= 22018 [cos (—20187T> + i sin <—2018W>} = 22018 1 Zﬁ ;
3 3 2 2

Suy ra S = 22918 Ta c6

log S = log (2°°'%) ~ 607,4785.
Vay S ¢6 608 chit s6.

Chon dép an (B) O
Cau 1043.
Dudng tron 6 hinh bén 1a tap hop diém biéu dién cho sé phiic z théa man y
déng thitc nao dudi day?

A. |z -3 =3 B. |z| = 3.

C. |z—3-3i| =3. D. |z —3i| = 3.

x

Loi giai.

Goi z = v + yi (z,y € R). Dya vao hinh vé ta thay tap hop diém biéu dién cho s6 phiic z thuoc
duong tron tam (3;3), ¢6 ban kinh R = 3.

Suy ra
(=37 +(@y—37>=3<]z—-3-3i =3
Chon dap an @ O
Cau 1044.
Diém nao trong hinh vé duéi day la diém bicu dién ctia s6 phiic z = Y
(14 4)(2 —14)? ]Y<,3,M
A M. B. P. C. N. D. Q. l l 0
RS Sal e n
eI S
ro-1]ol 37
P -1
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Loi giai.
Tac6 z = (1 +i)(2—1i) = 3+ i c6 diém biéu dién 1a Q(3;1).
Chon dap an @ O

Cau 1045. Cho s6 phiic z = —4 + 3i. Tinh mo-dun ctia s6 phitc w = iz + Z.

A |Jw| = 7V2. B. |w| = V/50. C. |w| = 2V/7. D. |w| = 25.
Lai giai.
Tacow=iz+Z=0(—4+3i)—4—3i=—7—"Ti= |w =7V2
Chon déap an @ OJ

Cau 1046. S6 phiic z = a+bi (a,b € R) théoa man |z — 2| = |z| va (z +1)(z — ¢) 1a 86 thuc. Gia tri
ctia biéu thitc S = a + 2b bang bao nhiéu?

A S=-3. B. S=1. C.S=0. D. S=-1.
Lo gidi.
Taco |z —2| =zl & |(a—2)+bi|=|at+bi]| = (a—2+0P? =a*+ b S (a—2)2=a*=a=1.
Mat khac (z+1)(Z—1i) = (2+bi)(1 = (b+1)i) =2—2(b—1)i+bi+b(b—1) =2+ (=b—2)i+b(b—1)
14 s6 thyc khi v chi khi —b—2 =0 b= —2.
Vay S=a+2b=1+2-(-2) = —3.
Chon dap én@ O

Cau 1047. Cho biét c¢6 hai s6 phiic z théa man 22 = 119 — 120i, ky hién 1a z; va 2. Tinh

|Zl — 22’2 .

A. 169. B. 114244. C. 338. D. 676.
Loi giai.
Goi z = a + bi.
[ (0= —12
) a? —b* =119 b=5
Theo gia thiet ta co & .
2ab = —120 a=12
| b=-5

Do d6 z; = =12+ 5i; 20 = 12 — bu.
Suy ra |z — 2|* = |[—24 + 104> = 676.
Chon dap an @ O

Cau 1048. Cho w la s6 phiic thay d6i théa man |w| = 2. Trong mit phang phiic, cic diém biéu
dién s6 phtic z = 3w + 1 — 2i chay trén duong nao?
A. Dudng tron tam /(1; —2), ban kinh R =6. B. Duong tron tam I(—1;2), ban kinh R = 2.
C. Duong tron tam [(1; —2), ban kinh R =2. D. Duong tron tam I(—1;2), ban kinh R = 6.
Loi giai.
Tacé: z=3w+1-2i 2—-14 21 =3w.
= |z — 14 2i| = |3w| = 6.
= Diém biéu dién s6 phiic z chay trén dudng tron tam I(1;—2), ban kinh R = 6.
Chon dap an @ OJ
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|21] = [22] = [23] = 1
z 2 — 2
Cau 1049. Cho ba sb phiic 2, 22, 23 théa man: { “1 = #2° %3 . Tinh gia tri ctia bieu thrc
V6 + 2
|21 — 22| = 9
M = |ZQ — 23| — |23 — Zl|.
6 -2 —V6 —VvV2+4+2
A VE-VI-VE B Vi-viivi o Y8Tv2-2? p, —Y6-v2+2

2 ) ’ 2
Lo giai.
Dat Z1 = aj + bll, 29 = Q9 + bQ’L
Theo gia thiét ta co:
— |zl =|nl=1ea+02 =di+b:=1.

V6 + /2
2

& (a1 —ag)® + (by — by)* = (M> =243

2
&2 — 2(@1&2 -+ blbg) =2+ \/g
= 2(@1@2 + blbg) = —\/g

6_
Slly ra |Zl -+ ZQ| = \/(CLl -+ CLQ) (bl + bg \/2 + 2 CL16L2 —+ b1b2 V 2 — \/_ \/_

— |o — | =

Ta co:
22 22
M =ln—zl-|ls—al=|n-2-|F -2
Z2 <2
_ |20 — 21| - |22 + 2] _ |21]|21 — 22|
|22 |22
_VE+V2 VBV V- v2 42
2 2 N 2 '
Chon dap an @ O
Cau 1050. Déng thiic nao trong céc dang thiic sau ding?
A (1 +4)2018 = 21009 B. (14 4)2018 = —21009;,
C. (1+1)%1% = 219%, D. (1 4 4)2018 = 21009
Lai giai.
Ta thay (14 ¢)%1® = [(1 + i)2]1009 = (24)1009 = 21009
Chon dap an @ O

Cau 1051. Cho s6 phitc w = (2 +14)> — 3(2 — 7). Gia tri ciia |w| 1a
A /54, B. 2V/10. C. V43, D. v/58.
Lo giai.

Ta c6 w = —3 + 7i nén |w| = /(—3)> 4+ 72 = V/58.

Chon dép an (D) O
Cau 1052. Cho s6 phiic 2z théa méan |z — 1 + 24| = 5. Phép tinh tién véc-to T = (1;2) bién tap hop
biéu dién s6 phitc z thanh tap hop biéu dién s6 phtic /. Tim P = max|z — 2/|.

A. P=15. B. P =12. C. P=20—+/5. D. P =10+ /5.
Loi giai.
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Xét hai duong tron (I;5);(I';5) véi I (1;—-2),1' (2;0). B
Khi d6 max |z — 2/| = AB v6i A, B la cac giao diém clia dudng thang

IT' v6i cac duong tron (I;5);(I’;5) (A khong nam trong (I';5) va B

khong nam trong (I;5)).

Khi d6 AB=2R+II'=10++/5

Chon dap an @ 0

Cau 1053. Cho sb phitc z = a + bi(a,b € R,a < 0) théa man 1 +z = |z —i|> + (iz — 1)>. Tinh
2.
V2

A. 5 B. /5. C.

L&i giai.

D.

\]

N | —

Ta cb

14z=z—i+(z—-1) e l+a-bi=d>+b+1)?>—d®>+ (b+1)*—2a(b+1)i

{1—1—@22(()—1—1)2 {a:2(b+1)2—1
= =
—b=—2a(b+1) 1—(b+1)=—2a(b+1).

Thé a = 2(b+ 1)? — 1 vao phuong trinh du6i ta duge

b+1=-—1 b:—2:>a:1(10ai) 2
& 1 1 ==

b:——é e
7 74Ty

4b+1P° -3b+1)+1=0«
b+1=

DO | —

Chon dap an (A) O

Cau 1054. Cho s6 phiic z =2 — 3i. SO phtc w =i -z + 2 1a

Alw=—-1+1. B. w=5—u. C.w=-1+5i. D w=-1-u1.
Loi giai.
w=1i-2430)+2-3i=—-1—1.
Chondépén@ OJ

Cau 1055. Cho s6 phiic z théa man (2 + 1)z — 11_@ =9 — 9;. Tinh |2|.

A. V5. B. 2v/5. C. V13. D. V17.
Loi giai.
Gia st z =z +yi (z,y € R).
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Phuong trinh da cho c6 dang

C+d)(1—i)(z+yi)— (x—yi) =(9—94)(1 — i)
& B—i)(r+yi) — (x —yi) = —18i
& (2 +vy)+ 4y —x)i=—18i

20 +y =0
=
—z+4y = —18
T =2
=
y=—4
Suy ra |z| = V4 + 16 = 21/5.
Chondépén O

Cau 1056. C6 bao nhiéu s6 phiic z théa man |z + 2 — i| = 2¢/2 v& (z — 1)? 1a s6 thuan &o?

A. 2. B. 0. C. 4. D. 3.
Lai giai.
Goi z = a+ bi (a,b € R).
. . b=a—-1
(z—1)?1a s thudn 40 & (a — 1)? - * =0 &
b=1-a.
Ta co

242 —i] =2V2
& (a+2?2+(b-1)*=8 (1).

— Truong hop 1: b=a — 1.
(1)< 2d°+8=8a=0=b=—1.

— Truong hop 2: b=1—a.

(1) e 202 4 da—4— 0 a=V3-1=b=2-+3
= 20 a—4=U<=
a=—V3-1=b=+3+2

Vay c6 3 s6 phiic z thoéa man.

Chon dap an @ O

(|z2| = (1 +iz)

Cau 1057. Cho sb phiic z = a + bi (a,b € R) thoéa man phuong trinh i = 4. Tinh
Tz
P=a+hb.
A P=1-2 B. P=1 C.P=1+V2 D. P =0.
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Loi giai.
zl—1)(1+z zl —1)(1+1i2)Z
(el =00+i) (A= D0
2z —1
Z— =
z
(Jz| =D)(1 +iz)z (1+i2)z
2|2 —1 B EE!
& z+ilzP=i(z| +1) & a—bi+ (a®+b%)i =i(Va2 + b2+ 1)
a=0
& a+ (-b+a®+b)i=i(Va2+02+1) &
b  —b=b+1
(=0
[ [b<0 a=0
& b==41 (loai) &< [b=1++v2 (nhan)
b>0 b=1-v2 (loai).
(L —26-1=0
VayP:a—l—b:l—i—ﬂ.
Chondépén@ OJ
. 1 .
Cau 1058. Cho so phﬁcz:l—gi. Tinh so phiic w =iz + 3z.
8 8 10 10
A w=-. B.w=-+i. Lw=—+1. D w=—.
w=g w 3—|—z C. w 3—|—z w=3
Loi giai.
1 1 1 8
T H Y 1 —1 1—_‘ - - = 1_1:_
a ¢ w 2<+32)+3< 31) (3 3)—1—2( ) 3
Chondépén@ OJ
. 1 ) 1
Cau 1059. Biét z 1a mot nghiém ciia phuong trinh 24— = 1. Tinh gia tri biéu thic P = z3—|——3.
z z
A P=-2 B. P=0. C. P=4. D.P:Z.
Loi giai.
g1 1\* 1 1
Tacoz?+ 5 =\2z+-) —3z--|(z+-|=1-3=-2
z z z z
Chon dap an (A) O
Cau 1060. Mo dun ctia s6 phitc z = (1 +2i) (2 — 1) 1a
A. |z| =5. B. |z| = /5. C. |z| = 10. D. |z| = 6.
Loi giai.
Tacoz=(14+2i)(2—1i)=4+43i = |z| = V42 + 32 = 5.
Chondépén@ 0

Cau 1061. Cho s6 phtic z thoa man |z +Z| < 2 va |z —Z| < 2. Goi M, m lan lugt 1a gia tri 16n

nhat v& gia tri nhé nhat ctia T = |z — 2i|. Tong M + m bing

A. 1++/10. B. V2 + V10. C. 4. D. 1.
Laoi giai.
bat z =z +yi véi z, y € R.
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_ /{|z+§|§2 {|$|§1 {:1:6[—1;1]
Khi do & = . Yy
[z =2 <2 lyl <1 y € [-1:1]
Do d6 tap hgp cac diém biéu dién sé phtic z 1a diém E(x;y) H
nam trong hinh vuong ABC'D vé6i A(1;1), B(—1;1), C(-1;-1) B A
va D(1; —1) nhu hinh vé.
Khi d6 T = |2 — 2i| = EH v6i H(0;2). /ﬁE \
Dé thiy EH dat gid tri nho nhat khi va chi khi E(0; 1) khi d6 0 v
m =min FH = 1. o D
) E(-1;-1)
Twong tuw FH dat gia tri 16n nhat khi va chi khi B 1) .
Khi d6 M = max EH = /12 + 32 = V/10.
Vay M +m =1+ V10.
Chon dap an @ O

Cau 1062. Cho s6 phiic z théa man (1 — i) z + 2iz = 5 + 3i. Tinh tdng phan thiyc va phan o clia
s6 phitc w = z + 2%.
A. 3. B. 4. C. 6. D. 5.
Lo giai.
Cach : bat z=ax+yi = 2z =2 — yi.
Thay vao biéu thiic tren ta duge (@ + 3y) + (v +y)i =5 + 3i, suy ra z = 2 + i.
Vay w =6 —i.
T d6 suy ra Re(w) 4+ Im(w) =6 + (—1) = 5.
Cach 2: St dung may tinh bo tui Casio
bat z=X+Yi=2z=X-Yu.
Nhap vao méy tinh: [ (1 — i)(X + Yi) + 2i(X — Yi) — (5 + 3i) |
Gan X = 1000, Y = 100. Ta dugc két qua 1a 1259 + 1097:.
Phan tich s6 lieu: 1295 = X +3Y —5va 1097 =X +Y — 3.

X+3Y -5=0 X+3Y =5 X =2
Do d6 ta giai hé phuong trinh: & &
X+Y-3=0 X+Y =3 Y =1.

Do d6 ta c6 z =2+ 4. T d6 suy ra w =6 — 7.
Vay Im(w) + Re(w) = 5.
Chon dap an @ O

Cau 1063. Cho cac ménh de:
(I) S6 phtic z = 2i 1a s6 thuan ao.
(IT) Néu s6 phtic z ¢6 phan thyc 1a a, s6 phtic 2z’ ¢6 phan thyc 1a @’ thi s6 phiic z - 2/ ¢6 phan thye
laa-d.
(ITT) Tich ctia hai s6 phic z = a + bi (a,b € R) va 2/ = @’ + Vi (a,b € R) 1a s6 phiic c6 phan &o la
ab' + a'b.
S6 meénh dé ding trong ba meénh dé tren 1a
A. 0. B. 3. C. 2. D. 1.
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Lo gidi.
Ta c6 z- 2 = (a+bi)(a' + Vi) = (aa’ — bb') + (ab' + a'b)i. Do d6, chi ¢6 hai menh dé dang la (I) va
(111).

Chon dap an @ O
. . . |Z—2+5i| =2 . '
Cau 1064. Goi S la tap hop tat ca cac so phtic thoa man | | . Héi tap S ¢6 bao nhiéu
z—5H—1 =3
phan ti?
A. 0. B. 2. C. Vo sb. D. 1.
Loi giai.

Gia sit z = a + bi (a,b € R). Hé phuong trinh da cho tuong duong véi

) ) 16
(a—2)"4+(5—0b) :4(:) @=7
17~
(a—5)+(b-1)=9 h— -t
5
16 17
Nhu vay tap S chi ¢c6 mot phan ti laz—g—i—gz
Chondépén@ O

B} 2018 .
Cau 1065. Cho so phtic z = (\/§ + \/52) . Biét phan 4o ctia z ¢6 dang z = a+b\/§+0\/§+d\/1_5,

trong céac s6 a, b, ¢, d c6 ding bao nhiéu s6 bang 07

A. 2. B. 1. C. 4. D. 3.
Loi giai.
2018 1009
2= (V3+vEi) = (-2+2V15i)  =2!0% Z Chgo (1)1 \/15Fik
Phan 4o clia z tng v6i gid tri k 14 s6 1é nén a = b =c=0.
Chon dap an @ O

Cau 1066. Cho sb phiic z dugc bicu dién bdi diem M (2; —3). Tim toa do diem M’ biéu dién cho s6
phiic 2z.
A. M'(—3;2). B. M'(—3;-2). C. M'(3;-2). D. M'(3;2).
Loi giai.
Tacobz=2—-3i& 12 =3+ 2.
Vay diém biéu dién cho s6 phiic iz 1a diém M'(3;2).
Chon dap an @ O

Cau 1067. Trong mat phang Ozy, cho sb phitc 2z thda man |z — 1| = |(1 +i)z|. Tap hgp diém biéu
dién ctia s6 phic z 1a

A. duong tron c6 tam I(1;0), ban kinh r = /2.

B. duong tron c6 tam I(0; 1), ban kinh r = v/2.

C. dudng tron c6 tam I(—1;0), ban kinh r = v/2.

D. duong tron c6 tam 1(0; —1), ban kinh r = v/2.
Loi giai.
Dat 2 = o + yi, trong d6 z, y 1a cac sb thue.
lz—1| = |(1+i)z| & |(x—1)+yi| = |1 +i||z+yi| & (x—1)2+y* = 2(2® +1?) & 22 +9y? +22—1 = 0.
Do d6, tap hgp diém biéu dién s6 phiic z théa yéu cau bai toan la duong tron tam I(—1;0), ban kinh

r= 2.
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Chon dap an @ 0

Cau 1068. Cho s6 phtic z = a + bi, (a,b € R) théa man z — 2z = —2 + 9i. Khi d6 gid tri a + 3b
bang
A —1. B. 7. C. 11 D. 5.
Loi giai.
Tac6z—22=-2+4+%< —a+3h=-24+N=>a=2;b=3=a+3b=11.
Chon dap én@ O
Cau 1069. Cho s6 phiic z = a + bi (a,b € R) théa man z + 1+ 2i — (1 +14)|z| =0 va |z| > 1. Tinh
gi4 tri clia bicu thic P = a + b.
A . P=-1. B. P=3. C. P=-5. D P=T.
Loi giai.
Tacoz+1+2—(1+i)|z) =0 at+1l-Va2 T2+ (b+2—Va?+52)i=0
a+1—Va2+®2=0
= {b+2— VEFF =0,

Suyraa+1=>b+2<% a=>b+ 1, thay vao phuong trinh thit nhat ctia he, ta duge:

b+22>0 - b=-1=a=0
b+2—\/252+2b+1:0<:>{ = [b—l@[
26° +2b+ 1 =b"+4b + 4 b=3=a=4
b=3
— V6ia=0,b=—1taco |z| =1 (khong théa méan).
— V6ia=4,b=3taco|z|] =5 (théa man).
Vay P=a+b=3+4="T.
Chon dap an @ O
Cau 1070. Cho s6 phtic z = a + bi, véi a, b 1a cac s6 thuc bat ky. Ménh dé nao sau day dung?
A. z — %7 khong phéi 1a s6 thuec. B. Phan 4o ctia z 1a bi.
C. Mo-dun ctia 22 bang a? + b. D. S6 z va 7 ¢c6 mo-dun khac nhau.
Loi giai.
Ta c6: |22 = (12)° = (V@ ) = a? + 2.
Chon dap an @ O

Cau 1071. Cho sb phiic z. Goi A, B lan lugt 1a cac diém trong mat phang Ozy biéu dién céc sd
phiic z va (1 +4)z. Tinh |z| biét dién tich tam giac OAB bang 8.
A |z| =4 B. |z| = 2V2. C. |z| = 4v2. D. |z] =2.
Loi giai.
Dat z =a + bi v6i z # 0.
(1+d)z=(1+1i)(a+bi)=a—0b+ (a+b)i.
Suy ra A(a;b), B(a — b;a+b), AD = (=bja), AB = \/a% + b2
Duong thang AB : a(z —a) + by —b) = 0 & ax + by — a®> — b* = 0.

" o g . [—a? — V|
Chiéu cao ha tit O ctia tam gidc OAB la h = d(0,AB) = ———— = va? + b
) g ( ) e Y

Dién tich tam giac OAB bang 8 nén

1
5-(\/a2+b2)2:8(:)\/a2+b2:4(:)|z|:4.
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Chon dap an @ O

Cau 1072. Cho cac s6 phtic 2; = 2 + 34, 20 = 4 + 5i. S6 phiic lien hgp clia 86 phiic w = 2(2; + 23)

la
A w =8+ 10. B. w =12 — 16:. C. w=12+8&i. D. w = 28.
Loi giai.
Ta co w=2(6+8) =12+ 16 = w = 12 — 161.
Chon dap an O
Cau 1073. Biét 2" (C% +iC;, — C2 —iC3 + .- +iFCE + -+ +4"C1) = 327680, v6i Ck 1a céc s6 6
hop chap k clia n va i2 = —1. Dt Tpyq = i*CF, gid tri ctia Ty bing
A. —330:. B. —8&.. C. —36:. D. —120:.
Loi giai.

Ta c6 2" (C) +iC), — C% —iC3 + -+ +"C + - +i"CY}) = 32768i
& 2" (C) +iC) +°CL 4+ iC + - +d"Cl + - 4+ i"C)}) = 32768
S 2M(1+0)" =2%i & (1 +i)" =2 "i: 1a s6 thuan &0 (*)
Néun=2m+1,me€ N thi (1+4)" = (1+14)*""" =2m;™(1 +4): khong thuan 4o, sai so véi (*).
Nhu vay n = 2m, m € N. Khi d6 (*) < (1 +i)?™ = 21572 & 2mjm = 215-2mj iy = 5,
Vay n = 10, tit d6 ta c6 Ty = i'C = —8i.

Chon dap an O
Cau 1074. Cho s6 phiic z théa man (1+ z)(1+1¢) — 5+ = 0. S6 phtic w = 1 + 2 béng

A -1+ 3. B.1-3i. C. -2+ 3. D. 2— 3.
Loi gii.

e 14223 =13
1

5
Taco (14+2)(1+1)—b+i=014+2= .

Chon dap an @ OJ
Cau 1075. Gi4 tri ctia biéu thic CY) — Ciyy + Clyg — Cpo + -+ — Ciy + Clog bang
A, 2100, B. —2%. C. 2100, D. 2%
Loi gii.
Ta co

(14d)1%0 =l + iCig + i*Clgo + - + 1°Clo
= (Co0 — Cioo + Cloo — -+ - + Cigg) + (Clgo — Coo + Cloo — Cioo)i

Mat khac (14 )19 = [(1 +4)2" = (2i)%0 = —2%.
Vay Clyy — Cioo + Cilgg — Cfoo + - -+ — C5o + Cio = —2°°.
Chon dap an O

Cau 1076. Cho hai s6 phiic z = 3 — 5 vA w = —1 + 2i. Diém biéu dién s6 phtic 2’ = Z —w - z trong
mat phang Ozy cé toa do 1a

A. (—4;-6). B. (4;6). C. (4;-6). D. (—6;—4).
Lo gidi.
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Ta c6
2 =Z—w-z

=3+ 5i— (—1+2i)- (3 5i)

— 34 5i— (T4 114)

= —4 — 61.
Chon dap an @ O
Cau 1077. Cho hai s6 phiic 2; = 3 — i va 25 = 4 — 4. Tinh mo6-dun ctia s6 phiic 27 + Z,.

A. 12. B. 10. C. 13. D. 15.

Loi giai.

Ta 6 86 phitc w =22 +Zy = (3 — i) + (4+i) =9 —6i + > +4+i=12 - 5i.
Nen |w| = /122 + (—5)* = 13.
Chon dap an (C) O

Cau 1078. Cho s6 phiic z thay ddi théa man |z —i| + |z + 4| = 6. Goi S 1a dudng cong tao bdi tat
ca cac diém biéu dién s6 phiic (z — i) (i + 1) khi 2z thay ddi. Tinh dién tich hinh phang gii han bdi
duong cong S.

A. 127 B. 12V/27. C. 9v2r. D. 9r.
Loi gidi.
Gia st diem M (x;y) la diém biéu dién s6 phic w = (z — 1) (i + 1).
Khi d6 (2 — ) (i+ 1) = x + yi nén

Z_Z‘:$+3{Z Z_i:(if%-yl)(l—z) Z_Z,:(x+yz)(1—z)

I+ N 2 - 5

Tty (@ =2)+(y+2)i - [E=2)++2)(A—d)

z+1= + 21 = =

]-‘|‘Z z4 144 Z+1 5

) 1
Ta suy ra |z —i| = |x + yil - ‘ 21 —7\/ 242
1

— (-2 +(y+2)7>

Tuong tu |z +i| = [(x —2) + (y+2) i ‘

V2

Do gia thiét |z —i| + |z + i| = 6 suy ra

% x2+y2+%\/(x—2)2+(y+2)2:6<:> x2+y2+\/(a:—2)2+(y+2)2=6\/§.

Gia sit F, (0;0) va Fy (2; —2), khi d6 M F, + MF, = 6+/2. Do d6 tap hop diém M chuyén dong trén
elip nhan Fy, F, 1a tieu diém va c6 do dai truc 16n 1a 6/2.

Tacoa=3V2vac= AL =+v2nen b=+va2— 2 =4. Khi dé6 S = wab = 12/2r.
Chon dap an O
Cau 1079. Cho s6 phiic z = a+ bi (a, b € R) théoa man |z| =5 va z(2 +4)(1 — 2i) la mot s6 thue.
Tinh P = |a| + [b].

A. P=8. B. P=4. C. P=5. D.P=T.
Loi gidi.

Ta co
2(241)(1 —2t1) = (a+bi)(4 — 3i) = 4a + 3b+ (—3a + 4b)i. (1)
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. 3
Do z(2+44)(1 — 2¢) la mot s6 thuce nén ti (1) suy ra —3a+4b=0< b = 1% (2)
Mat khéc |z| =5 < a® + b* = 25. (3)
Thé (2) vao (3) ta duge phuong trinh

3 2
a2+(1a) =25 a2 =16 < a = +4.

Voia=4=b=3vaa=—4=b=—3
Vay P=la|+|b| =3+4=1.

Chon dép an (D) O
Cau 1080. S6 phiic z ¢6 phan 4o 16n nhat thod man [z — 1 —i| =1 1a

A z=2+72. B. z=1+ 2. C.z=2. D. z=—-1+ 3.
Loi giai.

Gia st z =x +yi, x,y € R, theo bai ra ta ¢
(z—1D)+@y—-1il=1@-1)12+@H-1)>=1.
Ma(z—1)*>0nén (y—12?<1&-1<y-1<1&0<y<2
Vay phan 4o clia z ¢6 gia tri 16n nhat bang 2.
Dau bang x4y ra khi x = 1;y = 2, hay z = 1 + 2i.
Chondépén O

Cau 1081. Goi (C) la tap hop cac diém trén mit phang biéu dién s6 phiic z = = + yi, =,y € R

thod man |z — 1| = 1 va N la diém biéu dién s6 phtic zp = 1 — i. Tim diém M thugc (C) sao cho
MN c¢6 do dai 16n nhat
1.3
A. M(1;1). B. M 35 | C. M(1;0). D. M(0;0).
Loi giai.

Taco |z — 1| =14 (x —1)%+y? = 1 nén tap hgp diém (C) bicu dién

s6 phtic 2z 1a duong tron tam 7(1;0), ban kinh R = 1. Y M
Diém N c6 toa do 1a N(1;—1) ciing thuoe (C) nén MN c6 do dai lén m .
nhat khi M N 1a duong kinh ctia dudng tron (C) hay I 1a trung diém 0 I
cia M N nén toa do M 1a M(1;1). w
N
Chon dap an (A) O

Cau 1082. Cho s6 phiic 2z théa méan |z — 1 — 2| = 5 va M(x;y) la diém biéu dién ctia s6 phiic 2.
Diém M thudc duong tron cé phuong trinh nao sau day?

A (z+ 1)+ (y+2)° =25, B. (z — 1)+ (y — 2)? = 25.
C.(z4+1)°+(y+2)*=5. D. (z—12%+(y—2?2=5
Loi giai.

Vi M (z;y) la diém biéu dién ctia s6 phtic 2z nén z = x + yi. Ta ¢
l2—1-2=5 o |z —1+(y—2)i| =5 & (z—1)2+ (y—2)2 = 25.
Chondépén 0

Cau 1083. Cho sb phiic z c¢6 diém biéu dién 1a M(x;y) va théa man |z — 2+ 3i| = |z — 2 — 3i].
Biét |z — 1 — 24| + |z — 7 + 44| = 64/2, khi d6 2 thudc khoang
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A. (0;2). B. (1;3). C. (4;8). D. (2;4).
Loi giai.
Ta c6
|z —2+3i|=12—-2-3i] & |[x—2+(y+3)i]=]r—2+ (y—3)i

& (-2 +@Wy+3)?2=(—-2>*+(y—3)?
& y=0.

Mat khéc, goi A(1;2), B(7;—4) = AB = 6v/2. Ta c6
|2 —1—2i|+|z2—7+4i|= MA+ MB < AB = 6V2.

Dau “=" x4y ra khi M nam trén doan AB. Khi do,

IO x—1=6k z=3
AM = kAB, véi k € [0;1] = & )
0—2=—6k P
3
Chon dép an (D) O
Cau 1084. Cho s6 phic z théa man z (1 +4) + 12¢ = 3. Tim phan 4o clia sb Z.
1 1 1
A2 B =) D 2
2 2 2 2
Loi giai.
3— 12 9 15 9 15 15
z= — = —— — —{=Z=——+ —i. Phan 4o clia 7 la —.
141 2 2 2 2 2
Chon dap an @ O
Cau 1085. Tim sb phiic z thoa man |z — 3| = |z — 1| va (2 + 2)(z — i) 1a s6 thuc.
A z=2. B. z2=-2+2. C.z2=2—-2. D. Khong ¢6 z.
L3i giai.

Gia st z = a + bi, khi d6 ta co

yz—3|:|z—1| |z =3 =]z — 1
Im[(z+2)(Z — 1)

1I

Im[(z + 2)( z—i)]zO
(@ +bi) — 3|* = |a+bi — 1)?

(3

Im[(a+bi +2)(a+bi —i)] =0

-
{ 2 2
{I(Hbz ) =37 =la—14bil
i
‘

¢

Im[(a+2+bi)(a— (b+1)i)] =0
(a—32+b=(a—172+1
Im[((a +2)a+bb+1)) —i((a+2)(b+1)—ab)] =0
a®—6a+9=a*—2a+1 {azZ
=
h=—

(3

¢

a+2b+2=0

Vay z=a+ bi = 2 — 2i.
Chondépén@ ([l

Cau 1086. Goi S 1a tap hop cac s6 thie m sao cho véi méi m € S c¢6 ding mot s6 phitc thoa man

la s6 thuan 4o. Tinh tdng clia cdc phan ti ciia tap S.
A 0. B. 12. C. 6. D. 14.

|z —m| =4 va
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Lo giai.
Gia st 2 = a + bi (a,b € R), 2 # 6. M(a;b) la diém biéu dién z. Khi d6 ta c6

= a+bi (a+bi)(a—6—-bi)  ala—6)+b*+i(b(a—6) —ab)
z2—6 (a+bi)—6 (a—6+0bi)(a—6—bi) (a —6)% + b2 ‘
, P ala—6)+b>=0 (1)
be 5 la s6 thuan ao thi ta phai co .
” —

(a—6)°+b>#0
Suy ra diém M thuoc duong tron tam I (3;0), ban kinh R = 3.
Tit|z—m| =4 [(a+bi)—m| =4 (a—m)*+b* =16 (2) suy ra diém M thuoc dudng tron
tam I’ (m;0), ban kinh R = 4.
Dé c6 ding 1 diém M thoa man thi 2 duong tron (I; R) va (I'; R') phai ¢6 1 diém chung duy nhat
(1 =10
{H’:R+R’ {\m—?)y:? m=—4
= = .

II'=|R—-R/| lm—3| =1 m=4

(m =2
Khi m = 10, m = 2 thi hai dudng tron tiép xtc tai diém(6;0), do vay céc truong hgp nay bi loai.

Vay tong cac phan tit ctia S 1a 4 — 4 = 0.

Chon dap an (A) O
Cau 1087. Cho hai s6 phtic z; = 1+ 2i va 2, = 2 — 3i. Phan 4o clia sd phiic w = 32; — 22 12

A. 12. B. 1. C. 11. D. 12;.
Loi giai.

w = 321 — 229 = —1 + 124. Vay w ¢6 phan 4o 1a 12.
Chon dap an @ O
Cau 1088. Cho hai s6 thuc z, y thdéa man 2z + 1+ (1 — 2y)i = 2(2 — 1) + yi — z. Khi d6 gi4 tri cta
2? — 3xy — y bang

A. -3. B. 1. C. -2 D. —1.
Lo gidi.

2e+1+(1—-2y)i=22—i)+yi—=x
& 2o+ 1+ (1-2y)i=4—z+(y—2)i

2r+1=4—=z
=4
1-2y=9y—-2

r=1
<~
y=1.
Suy ra 22 — 3zy —y = —3.

Chon dap an @ O

Cau 1089. Cho M la tap hgp céc s6 phitc z théa |2z — | = |2 + iz|. Goi 21, 23 14 hai 86 phitc thuoc
tap hop M sao cho |z; — 2| = 1. Tinh gia tri clia biéu thiic P = |21 + 2.

A. P =2 B. P=3. C.P:?. D. P =2.

L&i giai.
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Goi z =z 4+ yi, v6i z,y € R. Ta ¢6

|22 —i| = |2 +iz]
& 2+ 2y —1)i| =12 — y + i

s Pyt =1

Vay tap hop cac diém M 1a duong tron (C) ¢6 tam O va ban kinh R = 1.

Goi A, B lan luct la diém biéu dién ctia cac s6 phiic 21, 2. Ta c6 A, B thuoc (C) va

|21 — 22| =1 AB = 1. Suy ra AOAB déunén P = |2) + 2| = ’O—A)—l—O—B)’ :2’0_[{)‘ = /3.
Chon dap an O

Cau 1090. Cho céic sb phitc 2 théa mén |zi — (2 + )| = 2. Biét rang tap hgp cic diém biéu dién céc
sO phiic z 13 mot duong tron. Tam I ctia duong tron do 1a
A I(1;-2). B. I(—1;2). C. I(-1;,-2). D. I(1;2).
Loi giai.
Tacoli(z—1+2i)|=2=]2—-142i|=2=/(x— 12+ (y+2)>=2.
Tap hop céc diém bicu dién s6 phiic z 1a duong tron tam I(1; —2).
Chon dap an @ 0

Cau 1091. Cho sb phitc z théa man (1 —i) -z + (14 2i) - (1 — 22) = 10 4 7i. Tinh mo dun cia
z.
A 3. B. V3. C.5. D. V5.
Lo giai.
Dat 2 = a + bi. Ta co

(1—4)-Z+ (1+2i) (1 —22) =10+ T7i

(1 —d)(a—bi)+ (1 —2i)(1 —2(a+bi)) =10+ Ti

a—b—ai—bi+(1—2i)(1—2a—2bi) =10+ 7i

a—b—ai—bi+1—2a—2(1—2a)i—2bi—4b =10+ 7i

—3a—5b+ 1+ 3ai —3bi —2i =10+ T¢
—3a—-5b+1=10

{3&—31}—227

a=1
b= —-2.

T T 0

T

= |2| = |1 —2i| = V/5.

Chon dap an @ O
Cau 1092. C6 bao nhiéu s6 phiic z théa man (1 + i)z + z la s6 thuan do va |z — 24| = 1.

A 2. B. 1. C. 0. D. Vo sb.
Loi giai.

Gia st z = a + bi trong d6 a,b € R, ta c6 Z = a — bi.
S6 phtic (14i)z+z = (14i)(a+bi)+(a—bi) = 2a—b~+ai 1a s6 thuan 4o khi chi khi 2a—b = 0 < b = 2a.
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Mat khac

z—2=1&la+bi—2i=1 & a®+(2a—2)??=1
& 5a*—8a+3=0

a=1=b=2=2=14+2
= 3 6

a——=>b——:>z—§+§z'
5 5 5 5

Vay c6 2 s6 phiic z théa man yéu cau bai toan.
Chon dap an @ O

Cau 1093. Cho s6 phitc w thda man |w + 2| < 1. Biét tap hgp céc diém biéu dién s6 phiic z thoa
man zZ = 2w + 1 — ¢ 1a mot hinh tron. Tinh dién tich S cta hinh tron doé.
A. S =2r. B. S=d4nr. C. 9r. D. 7.
Lo gii.
Goi M (z;y) 1a diém biéu dién sb phitc z = 2 + yi (z,y € R). Ta c6
r—1 y—1.

Zz=2w+l—ier—yi=2w+l-15w= 5 5 b

Lai ¢6 |w+ 2| <1 nén

(x;1+2)2+<yT_1)2§1<:>(x+3)2+(y—1)2=4-

Nén tap hop diém biéu dién z 1a hinh tron ban kinh R = 2 ¢6 dien tich S = 4.

Chon dép an (B) O
Cau 1094. Cho khai trién (201822 + z 4 2018)*""® = ag + @12 + - - - + au362"°%. Tinh téng S =
a1 —az+as — -+ aq035-

A. S =0. B. S=-1. C. § = 22018, D. S =1
Loi giai.

Cho x =i (2 = —1) trong khai trién (201822 + z + 2018)*"" = 4y + a1z + - - - + a3 ta dugc

2018 , 2 14036
( = ap + a1? 4 agl” + - -+ + Q40360

& —1=(ap—az+as— -+ as) + (a1 —az +as — -+ awzs) i

Vay S =a; —ag + -+ + ag3; = 0.

Chon dap an @ OJ
Cau 1095. S6 phiic z = (1 —7)?"!® ¢6 phan thuyc bang
A 1. B. 21009, C. —21009, D. 0.
Loi giéi.
2=(1— Z»)2018 =[(1- i)2]1009 _ (_22-)1009 _ (_2)10092- — _91009;
Suy ra phan thuc ctia s6 phiic z bang 0.
Chon dép an (D) O

Cau 1096. Cho z;, 2, la cac s6 phiic théa man |z;| = |z| = 1 va |21 — 225| = v/6. Tinh gia tri cia
biéu thitc P = |22 + 2.
A P=2. B. P=+/3. C. P=3. D. P=1.
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Lo giai.

Diat 21 = ay + byi; 20 = ag + byi. Suy ra a3 + b3 = a3 + b3 = 1.
Va |21 — 22| = V6 < ajay + biby = —i.
Suy ra P = |2z + 25| = 2.

Chon dap &n (A) O
Cau 1097. Trong mat phang toa do, tap hgp céc diém biéu dién cho s6 z thda man |(1+2i)z— 10| =
(24 1)z + 5| 1a

A. hai dudng thing cit nhau. B. hai dudong thing song song.
C. mot duong théng. D. mot duong tron.
Loi giai.

bat z =z +yi v6i x, y € R.

Ta co

|(1+2i)z — 10| = |[(2+4)Z + 5|

|(1+ 2i)(z +yi) — 10| = [(2+4)(z — yi) + 5]

|z — 2y — 10 + (22 + y)i| = |2z + y) + (z — 2y + 5)i]
(z—2y—10%+ 2z +y)* = 2z +y)* + (v — 2y +5)?

T ¢

& 2r—4y—5=0.

Suy ra tap hop cac diém biéu dién cho s6 z 14 dudng théng 2z — 4y — 5 = 0.

Chon dap an @ O
Cau 1098. Tim phan 4o ctia s6 phiic z biét z — (2 + 3i)z = 1 — 9i.

A1 B. -2 C. -1 D. 2.
Loi giai.

Goi z =z + yi (z,y € R). Ta ¢b
2—2+430)z=1-9r+yi—2+3)(x—yi)=1-9%
Sr4yi—20+3y+ Br—2y)i|=1-9%
S —x—3y—3x—y)i=1-9

—r—3y=1 T =2
= =
—3(z—y)=-9 =—1.

Vay phan 4o ctia s6 phiic z la y = —1.

Chon déap an @ OJ
Cau 1099. Cho s6 phitc w = (2 +14)? — 3(2 — 7). Gid tri clia |w| 1a
A. V54 B. V58 C. 2V/10. D. V43.
Loi giai.
Ta c6 w = —3 + 7i nén |w| = /58.
Chon dap an O
Cau 1100. Cho s6 phiic z = 2 — 3i. Tim phan 4o ctia s6 phic w = (1 +14)z — (2 — 1)z.
A. —5. B. -9. C. —bi. D. —9.
Lo giai.
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w=(1+4)z—(2—i)7=(1+)2—3i) - (2—i)(2+3i) = 2 — 5i.

Phan 4o ciia s6 phtic w la —5.

Chon dap an @ O
Cau 1101. Cho hai s6 phiic 2y = 2+ vd 25 = 1 — i. Tim s6 phiic 2 = z; + 22,.

A 1+, B. 1. C. 4—1. D. 2.
Loi giai.
2=z +220=2+1+2(1—-4)=4—1i.
Chon dap an @ O
Cau 1102. Cho 2; = 2+3i; 2o = 4+5¢. Tim 6 phric lién hop ctia 6 phiic w biét w = 2 (21 + 29).

A. w =12 — 16:. B. w =12+ 16s. C. w=—14 + 44i. D. w=-14 — 44s.
Loi giai.
Tacow=2(2+3i+4+5i) =12+ 16i. Vay w = 12 — 16i.
Chon déap an @ OJ

Cau 1103. Cho s6 phiic z = a+bi (a,b € R) théa man z+3+2i = (|z| + 1) (1+4) va |z| > 1. Tinh
P=a-b.
A P=—1. B. P = —5. C. P=3. D.P=7.
Loi giai.
d434+2=(2[+ 1) (1+0) S a+bi+3+2i= (Va2 +02+1) (1+1)
S a+bi+3+2i=Va2+b2+Va2+b2-i+1+i

a+3=va2+b2+1
- {b+2:\/m+1 Tenheot

Chon dap én@ O
Cau 1104. Cho s6 phiic z = a + bi, v6i a,b € R. Tim ménh dé dang trong ciAc ménh dé sau?

A. z+7Z = 2bi. B. 2 — 7z =2a. C.z-z=da*-V%. D. |22 = |z%.
Loi giai.
Ta c6 zZ=a — bi, do do

— 2+ Z = 2a.

— z—ZzZ = 2.

— z-Z=a%+b.

— 2] =122 = 2] - |2] = |2
Vay chi ¢c6 ménh dé |z2| = |z|* 1a meénh dé dung.
Chon dap én@ O

Cau 1105. Xét cic s6 phiic z théa man didu kien |z — 3 + 2i| = 5. Trong mit phang toa do Oxy,
tap hop cac diém biéu dién céc sé phitc w = 2+ 1 — i 1a
A. Duong tron tam I(—4;3), ban kinh R =5. B. Duong tron tam /(3; —2), ban kinh R = 5.
C. Duong tron tam [(4; —3), ban kinh R =5. D. Duong tron tam I(—2;1), ban kinh R = 5.
Lo gidi.

Ta co

w—44+31=2—3+22
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= |lw—4+3i| =]z —3+2i| =5.

Vay tap hop cac diém biéu dién s6 phitc w 1a duong tron tam I(4; —3), ban kinh R = 5.
Chon dép &n (C) O

Cau 1106. C6 bao nhiéu gia tri nguyén ctia m dé c6 ding hai s6 phiic z théa man |z —(2m—1)—i| =
10va |z —1+1i|=[z2—-2+3i.
A. 41. B. 40. C. 165. D. 164.
Lo gidi.
Goi z = a + bi (a,b € R) c¢6 diém biéu dién 1a M. Ta c6
|z —1+1i|=|z—2+ 3

& [(a— 1)+ (b+1)i| =|(a —2) + (3 - b)i I
&\ la—12+b+1)2=/(a—2)2+(3-1b)? | d
& 2a+8b—11 = 0. H

Suy ra diém M thuoc dudng thang d: 2z + Sy — 11 = 0.

Mit khac, tit |z — (2m — 1) — i| = 10, suy ra diém M thudc duong tron (C) tam I(2m — 1;1), ban
kinh bang 10. Vay M la giao diém cta d va (C).

Dé ton tai ding hai s6 phitic z, diéu kién 1 d phai cit (C) tai ding 2 diém phan biét. Diéu nay xay
ra khi

2(2m — 1) +8 -1 — 11| 5—10/68 5+ 1068
<10 —< < —

1 1
d(/,d) <10 & NG 1 m 1

Vay ¢6 21 — (—19) + 1 = 41 gia tri nguyén cia m.
Chon déap an @ O

Cau 1107. Tinh mo-dun ctia s6 phiic z = (1 + 2i)(2 — i).

A. |z| =5. B. |z| = /5. C. |z| = 10. D. |z] = 6.
Loi gidi.
Ta co |z| = |14+ 24| - |2 —i| = 5.
Chon dap an @ O
Cau 1108. Cho s6 phitic z théa man (2 — 3i)z + 6 = 5 — 1. Meénh dé nao sau day dung?
29 11 29 11 29 11 29 11
A Z="4 B.7="2"_ C.z=-2_""33, D.z=-— 474
13 13 13 13 13 13 13 13
Loi gidi.
BT 20 1 29 1L
SR T T R L T AT
Chon dép an (D) O

Cau 1109. Cho cac sb phiic @zithéa man |z| = 6, 22| = 2. Goi M, N lan lugt la diém biéu dién
cac s6 phtic zy,ize. Biét rang MON = 60°. Tinh T = |27 + 923

A. T =36V2. B. T = 24/3. C. T = 36/3. D. T =18.
Loi giai.
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Céach 1: P la diém biéu dién ctia s6 phiic 3iz;. 6
@ la diém biéu dién ciia s6 phiic z; + 3izs.

Ta c6 |27 + 923| = |21 — 3iza| |21 + 3ize| = MP - 0Q. 6
Theo gid thiét MON = 60° = MOP la tam giac déu, do d6 MP = 6.

Ta 6 0Q2 = OM?+ MP*—20M - MQ - cos 120° = 62+ 62 + 6% — 108. ¢ 6 P

= 0Q = 6v3. = |27 + 922| = 361/3.

Cach 2: (Cdach nay vé § tudng giong vdi phuong phap toa do héa ma ta si dung trong cac bai todn
Hinh hoc)

Ta c6 thé chon z, = 6 va tit day suy ra mot sd phiic 2o = 1 + V/3i (khi d6 2; va zp théa méan céc
diéu kien de bai).

= 22 = —36 va 22 = —2 + 21/3i.

Suy ra T = |22 + 922| = ‘—54 +18v/3i| = V512 1 3182 = 36V/3.

Chon dap an @ O
Cau 1110. Cho s6 phiic 2z théa man |z| = 2. Tap hgp cac diém biéu dién s6 phitc w = (1 — i)z + 2i
la

A. mot duong tron. B. mot duong thing.

C. mot elip. D. mot hypebol hoac parabol.
Loi giai.

Tacé (1 —i)Z =w — 20 = |w — 2i| = |(1 —4)Z| = 2v/2, suy ra tap hop biéu dién cac s6 phitc w la
mot dudng tron.

Chon dap an @ O
Cau 1111. Cho hai s6 phiic 21, 2o thoa man |z;| = 1, |22] = 2 VA |21 + 22| = 3. Gi4 tri clia |21 — 29|
1a
A. 0. B. 1. C. 2. D. mot gia tri khac.

Loi giai.
Dat 2, = ay + b1, 22 = ap + boi. Theo gid thiét ta co

a?+b =1 al+ b =1

a;+by =4 S +hi=4

(CL1 + CLQ)Q + (bl + b2)2 =9 20,1&2 + 2b1b2 =4

Suy ra |21 — 22| = /(a1 — a2)? + (by — )2 = 1.

Chon dap an O
Cau 1112. Cho s6 phiic z = (1 — i)?*(3 + 2i). S6 phiic z ¢6 phan 4o 1a
A. 6. B. —6:. C. —6. D. 4.
Loi giai.
Taco z= (1 —14)*(3+2i) =4 — 6i. Do d6 Im(z) = —6.
Chon dép an (C) O

Cau 1113. Tap hop céc diém biéu dién s6 phitc z théa man |2z — i| = 6 14 mot duong tron ¢é ban
kinh bang
A. 3. B. 6v/2. C. 6. D. 3v2.
Lo giai.
bat z =z +yi (z,y € R). Ta co
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1 2
\22—i|:6<:>\2x+(2y—1)i|:6<:>(2:1:)2+(2y—1)2:36<:>3:2+(y—§> =09.

2 2 ~ Z 1
Do d6 tap hgp cac diem bieu dién so phiic 2z 1a duong tron tam [ (O; 5), ban kinh R = 3.
1
Cach khac. |2z —i| =6 < ‘2 (z - 52)

? 2 ~ Z 1
= tap hop diem biéu dién s6 phic z 1a duong tron (C') ¢6 tam I | 0; 5 va ban kinh R = 3.

Chon dap an @ O
Cau 1114. Cho céic s6 phiic z; = —3i, zp = 4 + 4 v 2z thda man |z —i| = 2. Biét biéu thic
T = |z — 21| + 2|z — 25| dat gia tri nhé nhat khi z = a + bi (a,b € R). Hiéu a — b bang
A 3= 6VI3 g OVI3-3 o 3+6vVI3 D, 3+6V13
17 17 17 17
Loi giai.

— Trong mat phang Oxy, diem A(0; —3) biéu dién s6
phitc z; = —3i; diém B(4;1) biéu dién s6 phitc 2z, =
4 4.
Goi M(z;y) la diém biéu dién ctia s6 phic 2. Gid
thiét |z —i| = 2 = tap hgp diém M la duong tron
(C) tam 1(0;1), ban kinh R = 2.
TacoT =|z— 21| +2|z— 2| =AM+ 2BM.

Trong mat phang Ozy, ta sé tim vi trf diém D sao X
cho khi M di chuyén trén duong tron (C) ta ludn c6
AM =2DM.
—3¢4A
P . . 1
— Nhéan thay A =4 = 2R, nén trén tia [ A lay diem D sao cho ID = -R= D = O.
AM  IM 2
Suy ra T'=2(OM + BM) > 208B.
Do d6, Ty = 20B khi O, M, B thang hang theo tht tut d6, hay M = P (nhu hinh vé).
Phuong trinh dudng thang OB: x — 4y = 0. Ta c6 P € OB = P(4t;t) (v6i t > 0).
2 2 2 2 2 1+2V13
Pe(C):a*+(y—1) =4=4) ’+(t—-1) =4< 1Tt —2t—3:0(:>t:1—7.
44813 1+2v13\ . 3+6v13
= M ; Vaya—b=———77—.
17 17 17
Chon dap an (C) O

Cau 1115. Cho s6 phtic z = a + bi(a, b € R) va thoa man dieu kien (14 2i)z — (2 — 3i)z = 2 + 304.
Tinh téng S = a + b.

A S=-2 B. §=2. C. S=8. D. §=-8.

L&i giai.
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Ta co
(1+2i)(a+bi) —(2—3i)(a—bi) =2+ 30i
& a—2b+42ai+bi —2a+ 3b+ 3ai + 2bi = 2+ 300
a—2b—2a+3b=2
~
2a+ b+ 3a+2b=30
—a+b=2
=
da + 3b = 30
a=3
~
b=05.
Suy ra S = 8.
Chondépén@ OJ
Cau 1116. Cho s6 phiic z € C théa man (2+1i)|z| = ——+1—3i. Ménh de nao duéi day dung?
z
1 3 1 3 1
A 2 . B. - —. .= -. D. —.
<|z| <3 2<|z]<2 02<\zy<4 O<\z|<2
Lai giai.
Ta c6
17
(2+z‘)\z|:£+1—3z
z
. 17
= (2|z|—1)+(|z|+3)@:g
17
& \/(2|z\ —1)2+ (2| +3)? = %
17

& 5z + 2|z + 1022 =17 =0

& |zl =1
Chon déap an OJ
Cau 1117. Tim phan 4o clia s6 phiic z = (a + bi)(1 — 2i) v6i a,b € R.
A. 2a+0. B. 2a - 0. C. a+20. D. b — 2a.
Lo giai.
z=(a+bi)(1—2i) = (a+2b)+ (b—2a)i.
Chon dép an (D) O

Cau 1118. Tim tap hgp cac diém trén mat phang toa do biéu dién s6 phiic z biét s6 phiic (z—14)(2+14)

134 mot s6 thuan ao.

A. Duong thang 2z —y + 1 =0. B. Duong thing x + 2y — 2 = 0.
C. Dudng thang 2z +y — 1 = 0. D. Duong thing 2z —y — 1 = 0.
Loi giai.

Goi z =z +yi, x,y € R.

z—)2+i)=(+yi—i)24+i)=Q2r—y+1)+ (x + 2y — 2)i.

Dé (2 —4)(2+14) 1a mot s6 thuan 4o thi 22 —y + 1 = 0 hay tap hdp cac diém trén mat phang toa do
biéu dién s6 phiic z 1a duong thing 22 —y + 1 = 0.
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Chon dap an @ O
Cau 1119. C6 bao nhiéu sb phtic z théa man: [z —Z — 2i| = |z +Z — 6] v |z — 6 — 23| = 2V/2.

A 1. B. 4. C. 2 D. 3.
Loi gidi.

Goi z =2z 4+ yi v6i z,y € R.

|z —Zz—2i| =|z+Z — 6]
{|z—6 2| = 2v/2
@+ yi — (x —yi) — 2i| = |z + yi + (z — yi) — 6]
{|$+y2—6—21|—2\/_
2y — 2) \—|2$—6|
{I (y — 2)i| = 2v2
2y—22—\/(2x—6)2
{( — 6+ (y—2)*=38

(x=6)"+(y—2)"=8

(x—6)2+(y—2)2:8

=5+V3iy=3+V3
& m:5—\/§;y:3—\/§
|z =4;y =0.
Chondépén@ O

Cau 1120. Cho s6 phiic z = <\/§+ 3i)2. Téng phan thuc va phan 4o ciia sé phic 2z biang bao
nhiéu?
A. V2 +3. B. 6v2+ 11. C. 6v2—7. D. 11.
Loi giai.
Ta co

c= (V2+3i) = ~7+6v2i.

Vay s6 z ¢6 phan thuc bing —7 vi phan 4o bing 6v/2.
Téng phan thuc v phan 4o cia sé phtic z bing 6v/2 — 7.
Chon dap an @ ([l
Cau 1121. Trong mit phang toa do Oxy, s6 phiic z = (2 — 3i) — (3 + i) dugc bicu dién bdi diém
nao sau day?

A. M(—1;-4). B. N(1;-4). C. P(1;4). D. Q(—1;4).
Lo gidi.
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Ta co

2= (2-3i)— (3+i) = —1—4i.

Vay diém biéu dién s6 phitc z 1a diém M(—1; —4).
Chon dap an @ O

Cau 1122. Cho hai s6 thuc z, y théa man x(3 + 2¢) + y(1 — 4¢) = 1 + 244. Tinh gia tri x + y.
A z+y=4. B x+y=3. C.rx+y=2. D x+y=-3.
Loi giai.

Ta co

r(3+2i) +y(l —4i) =1+ 24i
& 3r+2rity—4dyi=1+24

r+y=1
=
20 — 4y = 24

Vay z +y =2+ (=5) = =3.
Chon dap an @ O

Cau 1123. Trong mat phang toa do Oxy, goi M (x;y) la diém biéu dién s6 phiic z = z+yi (x,y € R)
théa man |z + 1 — 2i| = |z|. Biét rang tap hgp cac diém M la mot duong thang, tim phuong trinh
duong thang doé.

A 2 +4y+5=0. B. 2x —4y+5=0. C. 2x—4y+3=0. D . 2z-y+1=0.
Loi giai.

Ta co

|z +1—2i] = |z|
& e +yi+1—2i| = |z + yi
& (e+1)°+(y—-2°=2"+¢
& P42+ 1+ —dy+4=2a>+4°
& 20 —4y+5=0.

Vay tap hop cac diém M la duong thang c6 phuong trinh 22 — 4y + 5 = 0.
Chon dap an O
Cau 1124. Cho sb phtic 2 = 2 + yi (z,y € R) thda man z + 2i (2) = 3(1 +4). Tinh gid tri ctia biéu
thitc P = 4z + by.

A. P=12. B. P=38. C. P=09. D. P =21.
Loi giai.
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Ta co

z2+2i(z) =3(1+41)
& x+yi+ 2i(r —yi) = 3(1+14)
S vyl + 2+ 2y =34 36

r+2y=3
4
2r+y=3

r=1
=
y =1

Vay P=4x+5y=4-14+5-1=09.

Chon dap an @ O
Cau 1125. Tim mo-dun ctiia s6 phitc z théa man diéu kien 2z — 27 = 3 + 4.
V93 V95 V91 V97
A |z = —. B. |z]| = —. C. |z| = —. D. |z| = —.
3 3 3 3
Loi giai.
bat z = a + bi(a,b € R) = Z = a — bi, thay vao phuong trinh ta cé
a+bi—2a+2bi =3+ 4i
& —a+ 3 =344
a=—3
< 4
b= —.
3
16 V97
Mo dun cia z 1a |z| = \/94—5 =3
Chon dap an @ O

Cau 1126. Cho s6 phiic z = a + bi(a,b € R) théa man 2z +2 +1i — |z|(1 +4) = 0 va |z| > 1. Tinh
P=a+b.
A P=-1. B. P=-5. C. P=3. D.P=T.
Loi giai.
Thay z = a + bt vao phuong trinh ta co
z24+24i—|2|(1+4) =0
&S atbit2+i— Va2 +2(1+i)=0
e (a+2-Va+0?) +i(b+1- Va2 +0?) =0
a+2=vVa2+1? a=b-1
{b+1:\/a2+b2 ©{6+1:\/2b2—2b+1

) b=0=a=—1 (loai)
= V-4 =0&

b=4= a=3 (théa man)

Vay P=3+4=T1.
Chondépén@ O

Cau 1127. Thu gon s6 phitc z =i + (2 — 44) — (3 — 21), ta dugc:
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A z=-1—1. B . z=1-u. C. z=-1-2i. D z=1+:.
Loi giai.
Taco6z=i+(2—-4i)—(3—20)=1+2—4i—3+2i=—-1—1.
Ch(_)ﬂdépéﬂ@ O

Cau 1128. Trong mat phang toa do Ozy, tap hop cac diém biéu dién s6 phiic z thda man diéu kien
2+ (Z)2=01a
A. Truc hoanh va truc tung.
B. Duong phan giac clia goc phan tu thi nhat va thi ba.
C. Truc hoanh.
D. Cac duong phan giac ctia gbc tao bdi hai truc toa do.
Loi giai.
Gid st z = o + yi (z,y € R). Khi d6

24+ (z)?=0
& (r+y)’+(x—yi)*=0
o 22—y 2xyi+a® —y? —2ayi =0
= x2:y2
& oy =*tx.

Vay tap hop cac diém biéu dién s6 phtic z 1a cac duong phan giac ciia goc tao bdi hai truc toa do.

Chon dép an (D) O
Cau 1129. Tim sb cac s6 phitc théa man diéu kien 22 + 2z = 0.

A. 0. B. 4. C. 1. D. 2.
Loi giai.

Gia stt z = v + yi (z,y € R). Khi do

2 2

¢ —y*+2x=0
P24+22=0&2" -y +2ayi+2(x —yi) =0 & Y

22y — 2y =0

()= 0
22—y  +2x =0 )
{xQ—y2+2x:O r°+2x =0
4 =0 54

2y(x—1)=0 < [y—l {.71:—1

y' =3
=0 [z=-2 |z=1 r=1
A ) ) )
y=0 |(y=0 y:\/g y:—\/g.

Vay c6 4 s6 phiic théa man bai toan.

Chondépén OJ
Cau 1130. Cho s6 phiic z = 2 + bi. Tinh z - 2.
Az Z=4+D B. z-z=4-0b% C.z-z=—b D.z - z=4+b.
Loi giai.
Tacoz-z=(2+bi)(2—bi)=4—b%* =4+
ChQﬂdépéH@ O
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Cau 1131. Cho sb phiic z c6 diém biéu dién trong mat phang toa do Owxy 1a diém M (1; —2). Tinh

mo-dun ciia s6 phitc w = iz — 22

A. V6. B. v/26. C. 26. D. 6.
Loi giai.
Tacoz=1—-2i=>w=i1+2i)—(1-2i)2=i—2— (=3 —4i)=1+5i.
Vay |w| = v/26.
Chon d4ap an O

Cau 1132. Goi 21, 29, 23, 24 1& cac nghiém phtic ctia phuong trinh 2* 4+ 22 — 6 = 0. Tinh T =
22+ 224 22 + 22

AT =2 B. T =14. C.T=4. D.T=-2.
Loi giai.

z
Tact) 2t +22—6=0< =
22=_-3 z:—\/gi

|z = \/52

Do dé, phuong trinh da cho c¢6 4 nghém phtc 1a 21 = —v/2, 20 = V2, 25 = —V/3i, 24 = V/3i.
Vay 22 + 25 + 22 + 22 = —2.
Chon dép an (D) O

Cau 1133. Céac diém biéu dién s6 phiic z théa man z-z+3 (2 — 2) = 5+ 12i thuoc dudsng nio trong
cac duong cho bdi phuong trinh sau day?
Ay =222 B. (z—1)2+¢y*=5. C.y=2xr. D.y=—2x.
Loi giai.
Gia st z = x + yi v6i z,y € R. Ta duge
2-Z24+3(z—2)=5+12i
& 2’ +y? +6yi =5+ 120

?+yP=5
=
6y = 12

=1
=
y = 2.

Do d6, ¢6 hai diém biéu dién s6 phitc z théa man yéu cau bai toan 1a A(1;2) va B(—1;2).
Dé thay A, B chi thuoc duong y = 222,

Chon dap an (A) O
Cau 1134. Néu mo-dun ciia s6 phite z 1a r (7 > 0) thi mo-dun cia s6 phiic (1 —1)° - 2z bing
A. V2r. B. 3r. C. 2r. D. 2v/2r.
Loi giai.
Do )(1 —1)3.;;) - ‘(1 —1)3‘ 2] = |2 — 2i] |2| = 2v2]2| = 22
Chon dép an (D) O

Cau 1135. Tim s6 phiic lien hgp clia s6 phitc z =i (3i — 1) la
A zZz=3-1 B. z=-3+1. C.z=3+1. D z=-3-1i
Lo gidi.
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Tacoz=1i3i—1) e 2z=-3—isuyraz=—-3+1

Chon dép an (B) O

Cau 1136. S6 nao trong cic s6 sau 1a s6 thuan do?

A (V3+2i) (V3 —2i). B. (V3+2i) + (v3-2i).

1 — 4i )
. : D. (3 + 3i)°.
1+ 4i (8+30)
Loi giai.
Do (3 +3i)* = 9 + 18i + 9i2 = 18i nen (3 + 3i)* la s6 thudn &o.
Chon dap an @ OJ

Cau 1137. Cho s6 phiic z théa méan diéu kien |z — 1 + 2i| < 2. Trong hé toa do Oxy, tap hop diém
biéu dién s6 phitc w = 3z — 2 4 i 1a hinh tron c6 dién tich bing

A. 257, B. 167. C. 36m. D. 9.
Loi gii.
Gia stt s6 phiic w = o + yi v6i z,y € R. Goi M la diém bicu dién s6 phitc w suy ra diem M (x;y).
Do gia thiét ta c6

2 -1
w:32—2—|—i<:>x—|—yi:32—2+i<:>3,z:x+2+(y—1)i<:>z:$;— —i—<y3 )i

2 1 1
Khidéz—1+21:x; +(93 )i—1+2i:$3 +(y_§5>isuyra

—1\? 5\
|z—1+2i|§2<:)\/($7) +<%) <26 (r—1)°+(y+5)° <36

Vay tap hop céc diém biéu dién s6 phiic w niim trong dudng tron (C) : (x — 1)+ (y + 5)* = 36. Goi
R 1a ban kinh duong tron (C') suy ra R = 6 nén dién tich hinh tron bang 367.

Chon dép an (C) O
Cau 1138. Cho s6 phiic z = 14 (1 4 1)+ (1 +1)*+- - -+ (1 +1)**"®. Menh dé nao sau day ding?
A. z = —21009 B. z = —21009 4 (91009 4 )]
C. 7= 21009 + (21009 + 1) i D 2= 21009 + 210091‘
Loi giai.
Ta co
qo1s 1 — (1 + R e O 1 ) e S 2019

L @D+ (i) e ()™ = e = ——

Vi(1+i)® =1+2i+i*=2isuyra (1+i)°=2%

252
Ma (141" = [(1+1)°] - (1+1)* suy ra i« (14+1)™" = (24)*% - 212+ (1 +1) = =219 (1 +1). Do
d6 z =1+ 21099 (1 4 i) = 21009 4 (] 4 21009}

=i—1i-(141)

Chon dap an (C) O
Cau 1139. Cho s6 phtic z = 3 — 2i. Tim diém biéu dién ctia s6 phitc w = z 4 i - Z.

A. M (5;-5). B. M (1;-5). C. M (1;1). D. M (5;1).
Loi giai.

Ta c6: Z =3 + 2.
Khid6w=z+i-Z2=3-2i+i(3+2i)=1+i.
Vay diém biéu dién sb phiic w 1a M(1;1).
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Chon dap an @ 0
Cau 1140. Tim s6 phiic lien hgp ctia s6 phitc z = (37 + 1).
A z=3—1i. B.z=-3—-i. C.z=-3+1. D.z=3+1.
Loi giai.
Taco:z=i3i+1)=-3+i=2Z=-3—1.
Chon dap an O
Cau 1141. Cho sb phiic z = (2 — 3i)(3 — 4i). Diém biéu dién s phitc z la
A. M (6;17). B. M (17;6). C. M (—17;-6). D. M (—6;—17).
Loi giai.
Ta c6 z = (2 — 3i)(3 — 4i) = —6 — 17i. Do d6, diém biéu dién cho s6 phiic z 1a M(—6; —17).
Chon dap an @ O
Cau 1142. Rit gon biéu thiic P = 32000 4 2021,
A.P=1+u1. B.P=1-i. C.P=—-1+1. D.P=-1-—i.
Lai giai.
P — ’i2000 + 2'2021 =1 + 7.
Chon dap an @ 0

Cau 1143. Cho s6 phtic 2 = a + bi (a,b € R) théa man diéu kién (1 + i)z + 2z = 4 — 3i. Tinh
P=a+hb.
A. P=3. B. P=10. C. P=T. D. P=5.
Li giai.
Gid st z = a + bi véi a,b € R va i = —1. Khi d6
(141i)z+27 =4 3i
(1 +i)(a+bi)+2(a—bi)=4—3i
&((3a—0b)+ila—b)=4—3i

{3a—b:4
p=—

a—b=-3
7
a:§
7Y, 18
=5

Suy ra P =a+ b= 10.
Chon dap én OJ

Cau 1144. Cho z,y la cic s6 thuc théa man (2x — 1) + (y + 1)i = 1 + 2i. Gia tri cia biéu thiic
22 + 2zy + y? bang

A 2. B. 0. C. 1. D. 4.
L3i giai.

. , . /{21'—1:1 {a::l
Tu 2z —1)+ (y+1)i =1+ 2i taco &

y+1=2 y=1.

Vay 22 + 2zy + 3% = 4.
Chon dap an @ O
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Cau 1145. Trong mit phang toa do Oxy, cho M, N, P lan lugt la diém biéu dién ciia cac s6 phiic
2 +3i,1 —2i vi —3 + 4. Tim toa do ctia diém  sao cho t& giac M NPQ la hinh binh hanh.
A. Q(0;2. B. Q(6;0). C. Q(—2;6). D. Q(—4;—4.
Loi gidi.
Ta c6 M(2;3),N(1; —2), P(—3;1).
Goi H la trung diém ctia M P, suy ra H (_—1, 2) :

2

Vi M NPQ 1 hinh binh hanh nén H ciing la trung diém ctia NQ, do d6 Q(—2;6).
Chon dép an (C) O
Cau 1146. Trong miat phing toa do Oxy, tap hgp diém biéu dién s phic z théa man
|z —i| =12 —3i—z| Ia

A. Duong thang x — 2y — 3 = 0. B. Duong thing z +2y +1 = 0.

C. Duong tron z2 + y? = 2. D. Duong tron 22 + 32 = 4.
Loi giai.

bat z =z +yi (xz,y € R).
Khi do, ta co

|z —1| =12 —3i— 2|

& Jrtyi—il =12 —3i— 2z —yil

& ety —1il =2 —-2)+ (=3 -yl

& Vet (y—1?= /2 -2+ (-3 -y)

& P+ y-1)'=2-2)+(-3-y)’

&S r—2y—3=0.
Chon dap an @ O
Cau 1147. Cho s6 phiic z = a+ bi théa man z(1+2i)?+z = —20+44. Gi4 tri cta a® — b* bing

A. 16. B. 1. C. 5. D. 7.

Lo gii.
Ta co

2(1+2i)? +7Z = —20 + 4

& (a+bi)(=3+43) + (a — bi) = —20 + 44
< (—3a —4b) + (4a — 3b)i + (a — bi) = =20+ 4
& (—2a —4b) + (4da — 4b)i = —20 + 4i
—2a —4b = —-20
<~
da —4b =14
a=4
=
b=3.
Vay a> — b0 =16 —-9=1.
Chondépén@ O

Cau 1148. V6i cac s6 phitc z thda man |z — 2+ i| = 4, tap hop diém bicu dién cic s6 phiic z 1a
mot duong tron. Tim ban kinh R cta duong tron doé.

Suu tam € bién soan Th.s Nguyén Chin Em 291 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

A R=38. B. R = 16. C.R=2. D. R=4.
Loi giai.
Viét z duéi dang 2z = a + bi, (a,b € R). Khi do, ta co:
lz—2+4+i=4e|(a-2)+(b+1i|=4< (a—2)>+(b+1)*=16.

Vay tap hop cac diém biéu dién céac s6 phiic z da cho la dudng tron tam I(2; —1), ban kinh R = 4.

Chon dép an (D) O
Cau 1149. Cho s6 phiic z; = 1+ 2i, 2o = 3 — 4. Tim s6 phiic liéen hop ctia s6 phiic w = 21 + 2».
A w=4—1i. B.w=4+/1. C.w=—4+1. D w=—-4—1.
Loi giai.
Tacow=2n+2=01+3)+2-1)i=4+i=>w=4—1.
Chon dap an @ O
Cau 1150. Cho 2z 13 mot s6 thuan 4o khac 0. Ménh dé nao sau day dung?
A. 7 1a s6 thuec. B. Phan 4o ctia z bang 0.
C. z=72 D z+Z=0.
Loi giai.

Vi 2 1& s6 thuan 4o khac O nén z = bi,b € R,b # 0 va 7 = —bi.
Suy ra z +7z = 0.

Chon dap an @ O
Cau 1151. Cho ba s6 phiic 21, 22, 23 phan biet théa man |z;| = |2z = |23| = 3 va Z; + Z, = Z3. Biét
21, 29, 23 lan lugt duge bicu dién béi cac diem A, B, C trén mat phing phitc. Tinh goc ACB.

A. 150°. B. 90°. C. 120°. D. 45°.
Lo giai.

Vlét 21 =ai + bl’i, Zo = Qg + bgi, 23 = as + bgi, ai, g, as, bl, bg, bg € R. Khi dé, ta co hé

(o} +07 =9 (1)
a3 +b3 =9 (2)
a3 +b5=09 (3)
a; + as = as (4)

[ —bi—by=—b3  (5)

Thé (4) va (5) vao (3), ta ¢ (a1 + a2)® + (b1 +b)2 =9  (6).
Thé (1) va (2) vao (6), ta c6 2a,as + 2010y = —9.
6714) = (a1 — a3;b1 — bg), CTB> = (a2 — as; bg — bg)

Suy ra
— CTAA) . @) (CL1 — &3)(&2 — ag) + (b1 — bg)(bg — bg)
cos ACB = =
)54’\ . \C—B’\ V{ar = a3)? + (by — 03)2/(az — az)? + (by — b3)?
_ —ag(—al) + (—52)(—171) _ a10a9 + blbz
V(=a2)? + (=02)?\/ (=) + (—=01)? /a3 + b3+/af + b}
9

9 1

_ 2 _
CVOYVH 2
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Vay ACB = 120°.

Chon dap an @ O
Cau 1152. S6 phiic z + 7z la

A. S6 thyc. B. Sé 4o. C. 0. D. 2.
Loi giai.
Dit 2 =a+biv6ia, b€ R = 7 =a — bi. Vay z +Z = 2a 1a s thyc.
Chon dap an @ O
Cau 1153. Cho hai s6 phiic z; = 2+4i, 2o = —1+3i. Tinh modun ctia s6 phitc w = 2,73 — 271

A |w| =2v2. B. |w| = 2V/10. C. |w| = 4v2. D. |w| = 2.
Loi giai.
Tacow = (2+4i)(—1—3i)—2(2—4i) = (10—10i)—(4—8i) = 6—2i. Do d6 |w| = /62 + (—2)% = 24/10.
Chon dap an O

Cau 1154. Tap hop cac diém trén mit phing toa do bicu dién sé phiic z thoéa man diéu kién
|z 4+ 2| = |i — 2| Ia duong thang c6 phuong trinh nao sau day?

A dr—2+3=0. B dr+2—3=0. C.4r—2y—3=0. D.4x+2y+3=0.
Léi gii.
Gia st z = a + bi, v6i a,b € R. Tt gia thiét ta dugc

(a+22 4+ =a>+(b-12=4a+20+3=0.
Vay céc diém biéu dién s6 phiic z nam trén dudng thing c6 phuong trinh

4o +2y+3=0.

Chon dap an @ O
Cau 1155. Tinh mo-dun ctia s6 phiic nghich ddo ctia s6 phiic z = (1 — 21)2.
1 1 1
A —. B. —. C. V5. D. -.
75 25 V5 5

Loi giai.

. 1 344
Goi w 1a s6 phtic nghich dao ctia s phic z = (1 — 2i)* =2 w = — = 55

z
1

Vay Jw| =+
Chon dap an @ O
Cau 1156. Cho s6 phiic z théa (1 + i)z = 3 — 4. Tim phan &o clia 2.

A, -2 B. 2i. C. 2. D. —2.
Lai gidi.
Ta c6 z = 112 =1 — 2i, do d6 phan o clia z bang —2.

i

Chon dap an @ 0
Cau 1157. Tim s6 thuc m sao cho m? — 1+ (m + 1)i la s6 &o.

A.m=0. B.m=1. C. m=+1. D.m=-1.
Loi giai.
m? — 14 (m + 1)i 1a 86 4o khi m? — 1 =0 hay m = +1.
Chon dap an @ O
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Cau 1158. Tinh S = 1+ i + % 4 - - - + 2017 4 42018,

A S =—i B. S=1+1. C.S=1-i. D. S =i.
Loi giai.
Ta c6 (i)™ =1, (i)t =4, (i)*"*? = -1, (i)*"*® = —i. Do d6
S =147442 4. 42017 4 ;2018 _ 1_2.2?19 — 1"{"1 .
1—1 1—1
Chon dap an @ 0
Cau 1159. Tim phan thuc a va phan 4o b ctia s6 phtic z = (=2 + 3i)(—=9 — 107).
Ala=48vab="T. B.a=—-48vab="T7.
Ca=—-48vab=-T. D.a=48vab=-T.
Loi giai.
Tacoz=(—2+3i)(—9—10i) =48 — Tinén a =48 va b = —T.
Chon dap an @ O
Cau 1160. Tim mo-dun ctia s6 phitc z = (—6 + 8)2.
A. |z| = 4527 B. |z| = 2V7. C. |z| = 100. D. |z| = 10.
Loi giai.
Ta c6 z = (—6 + 8i)? = —28 — 96i = |z| = /(—28)% + (—96)2 = 100.
Chon déap an @ O

Cau 1161. Cho s6 phiic z = a + bi v6i a,b € R théa z 4+ 2i +1 = |2|(1 + 1) va |z| > 1. Tinh
P=a-b.
A. P=-3. B. P=3. C. P=-1 D. P=1
Loi giai.
T gid thiét z + 2i + 1 = |z|(1 +4) suy ra

a> —1
a+1=+va%+0b?
(a+1)+(b+2)i = Va2 + b2 +i-vVa? + b2 < sl{a=b+1
b+2=+/a?+ b?
(b+2)2=(b+1)2+b* (1)
b=-1
Ta (1) e -20—3=0s )
=3

Khi b= —1=a=0= |z] = 1. Truong hop nay loai vi |z| > 1.
Khib=3=a=4=|z] =5 > 1. Trudng hgp nay nhan, vay P =a — b = 1.

Chon dap an @ O
Cau 1162. Tim cac s6 phiic z théa 2iz + 3z = 5.

A z=-3—2. B. z=3-2i. C. z=-3+2. D. z=3+ 2.
Loi giai.

Goi 86 phtic z = a + bi v6i a,b € R. Tt gia thiét, ta c6

3a—2b=5 a=3
2i(a+bi)+3(a—bi) =5« (3a—2b)+ (2a—3b)i = 5 < & &z =342i.
2a —3b =0 b=2

Chon dap an @ O
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Cau 1163. Cho s6 phiic z = 2 + 5i. Tim s6 phitc w = iz + Z.

A w=-3-3. B.w=3+4Ti. C.w=-7T-"T. D w=7- 3.
Loi giai.
Ta c6w=1i-(2+5) + (2 — 5i) = —3 — 3.
Chon dap an (A) O
Cau 1164.
Diém A trong hinh vé biéu dién cho s6 phitc z. Tim phan thuc va y

phan 4o ctia s6 phic z.
A. Phin thuc 12 3, phan 4o 1a —2i. 2p rA
B. Phan thyc 13 3, phan 4o 13 2.
C. Phan thuyc 1a 3, phan 4o la —2.

D. Phan thyc 1a 3, phan 4o 1a 2i.
Lo gii.
Ta ¢6 toa do diém A(3;2), suy ra s phitc z = 3 + 2i.
Vay phan thyc ctia z 14 3 va phan 4o clia z 1a 2.
Chon dap an O
Cau 1165. Phan thuc ctia s6 phic z = (a +7)(1 — i) la

A —a+1. B.a-1 C.a+1 D. a® + 1.
Loi gii.

=(a+i)(1—i)=a+1+(1—a).

Phan thuc cta z 1a a + 1.
Chon déap an @ OJ

Cau 1166. Cho s6 phtic » théa man diéu kien |z — 1 — 2i| + |7 — 3| = ‘\/7+ 32". Tim gid tri nho
nhat ctia P = |z — 2 — i].
A P=2 B. P =2 C. P=+/3. D. P=3.
Loi giai.
Goi z = a + bi(a,b € R).

1= V43| = Ja—1-20+]7 -3
— Ja—12+ b—22+\/(a—3)2+b2
- %(2 (a— 1) 2)2)+%(2 (a—3) +12)
< %<4+(a—1)2+(b—2)2+4+(a—23)2+b2>
= Sl@=22+ G- 17 +6] = 2 (P> +6)
= P>°.

Dau bang xay ra khi va chi khi
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[ (a=1

2= /(a—1)2+ (b—2)? {4:(a—1)2—|—(b—2)2 {b:o
= = .

_ Jla—372 112 (a—1)2+(b—2)* = (a—3)* +b° {a:3

| (b=2

Ta ciing c6 thé tim gia tri 16n nhat ctia P. Ta c6

(a® + b?)(c* + d*) — (ac + bd)? = (ad — bc)> > 0 = \/(a® + b?)(c® + d?) > ac + bd.

Ta di chitng minh bat dang thic

VE TP+ VELE > \/(a+ )+ (b+d)?
Sa® + 0+ A+ 2y/(a + 1) (2 + d2) > (a+ ) + (b + d)?

<:>\/(a2 +b%)(c? + d?) > ac + bd(ludon ding, xem chiing minh trén).

Goi z = a + bi(a,b € R). Ta c6

1= V7431 = |z—1-2i+[z-3]
2= 1— 2| +|z—3

> (a—1)2+(b—2)2+\/(a —3)2 + 12
> Ja—1+a—3)2+(b—2+0)?
= 2/(a—22+(b—1)2 =2z —2—i| =2P.
Tu day suy ra P < 2.
Chon dap én O
Cau 1167. S6 phiic z = (1 + 2¢)(2 — 3i) bang
A 8—1. B. 8. C. 8+ D. —4+1.
Loi gidi.
C6 2= (1+20)(2—3i) =2+ 4i — 3i — 6> = 8 + .
Chon dap én@ [l

Cau 1168. Cho hai s6 phtic z; = m + 3i, 20 = 2 — (m + 1)i, v6i m € R. Tim céc gia tri ctia m dé

w = z1 - z3 1& s thuc.

A. m =1 hoacm=—-2. B. m =2 hodc m = —1.

C. m =2 hoac m = —3. D. m = —2 hodc m = —3.
Loi giai.
Tacow=2-22=m+3i)(2— (m+1)i) =5m+3+ (6—m—m?)i.

, ) m= -3
Dé wlasd thucthi6 —m —m?>=0«<

m = 2.

Chondépén@ 0

Cau 1169. Cho cac sb phiic z thda méan |z| = 12. Biét rang tap hop cac diem biéu dién cac s6 phiic
w = (8 — 67)z + 2¢ la mot duong tron. Tinh ban kinh r ctia duong tron do.

A. r=120. B. r =122. C.r=12. D. r = 24/7.
Li giai.
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Cow=(8—-6i)z+2iew—2i=(8~-060)z=|w—2i=|8—6¢ |z =10 12 = 120.
Tit d6 ta suy ra tap hgp diém bicu dién w 13 dudng tron tam I(0;2), ban kinh R = 120.

Chon dap an @ O
Cau 1170. Cho z; = 1+ 2i, 20 = 2 — 3i. Khi d6 w = z; — 22, béng
A w=>5+8i. B. w=-3+ 8. C w=3-1. D w=-3-—4.
Loi giai.
w=2z —2z=(1+2i)—2(2—-3i) = -3+ 8i.
Chon dap an O
Cau 1171. Cho sb phitc z = a + bi. Khi d6 phan 4o ctia sd phiic z? bang
A. b B. a. C. 2ab. D. a® — b
Loi giai.
Ta c¢6 22 = (a + bi)? = a® — b* + 2abi. Do d6 phan 4o clia 2% 1a 2ab.
Chon dap an @ O

Cau 1172. Cho hai s6 phiic z = m + 3i v& 2/ = 2 — (m + 1)i. Tich cac gia tri ctia m dé z2’ 1a s6
thuc 14

A. 6. B. —6. C. 10. D. 12.
Loi giai.
Ta c6 22/ = (m+3i) (2— (m+1)i) =5m + 3 +i(—m? —m +6).
m =2
Do d6 zz' 1a s6 thuc khi va chi khi —=m? —m +6=0<
m = —3.
Chon dap an O
Cau 1173. V6i z,y la hai s6 thuc thoéa man x(3 + 5¢) + y(1 — 2i)* = 9+ 144. Gia tri clia 22 — 3y
bang
205 172 4
= 5112 o b %
109 61 61 109
Loi giai.

r(3+5)+y(l1 -2 =9+14i < 2(3+50) +y(—11+2i) =9+ 14i
& (3 —1ly) +i(bx + 2y) =9+ 144
{3x—]1y:9

=4
or + 2y =14
172
r=—
61
<) 3
YT e
172 -3 353
ay 20 — 3y =2 = 3.2 2
Vay 22 =3y 61 ° 61 6l
Chon dap an @ O
Cau 1174. Tim sb phrc lien hop ctia s6 phiic z = (3 4 24)(3 — 2i).
A zZ=13. B. z=u1. C.z=0. D. . z=-13.
Loi giai.
Ta c6 2 = (3 +2i)(3 — 2i) = 13 = 7 = 13.
Chon dap an @ O
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Cau 1175. C6 bao nhiéu s6 phitc 2z théa méan |z — 3i] =5 va 2z — 4 1a s6 thuan 4o khac 07
A 2. B. 0. C. Vo sb. D. 1.
Loi giai.
Goi z =z +yi (v6i x,y € R). Tacd 2 — 4 = (v —4) + yi 1a s6 thuan 4o khac 0 nén {y%z
=4
Khid6 |2 —3i| =5 o>+ (y—3)°=25o (y—32 =9y =6 (viy#0).
Chon dép an (D) O

Cau 1176. Tim tap hogp diém biéu dién s6 phiic z thda man |z + 1 — 2i| = 3.
A. Dudng tron tam /(—1;2), ban kinh » =3.  B. Duong tron tam I(1; —2), ban kinh r = 3.
C. Duong tron tam I(1;2), ban kinh r = 9. D. Duong tron tam I(—1;2), ban kinh r = 9.
Loi gidi.
Dat z = o + yi, (v;y € R), ta c6 M(x;y) bicu dién sé phiic 2.
Dolz4+1-2i|=3=|(z+1)+(y—2)i| =3 /(z+1)?+ (y—22=3< (z+ 1)+ (y—2)?=09.
Suy ra tap hgp diém M (x;y) biéu dién z la duong tron tam I(—1;2), ban kinh r = 3.

Chon dap an (A) O
Cau 1177. Goi z,y la hai s6 thuc théa z(3 — 5i) — y(2 —i)> =4 — 2i. Tinh M = 2z —y.

A M=1. B. M =2 C. M=-2. D. M =0.
Loi giai.

Ta c6 (3—51) —y(2—i)* = 4—2i & x(3—5i) —y(4—4i+1i%) = 4—2i & (3x—3y) — (hx—4y)i = 4—2i.
Khi do6 ta c6 hé

10
3r—3y =14 T= T
= 14
or — 4y =2 y=——
3
10 14
SuyraM:2x—y:2-<—?>+?:—2.
Chondépén@ OJ

Cau 1178. Cho s6 phiic 2 thdéa man |z + 1 —i| = |z — 1 + 2i|. Tap hop cac diém biéu dién cac sb
phtic z trén mat phing toa do la mot duong thing. Viét phuong trinh duong thing do.

A 4x+6y—3=0. B. 4z — 6y +3=0. C. 4z —6y—3=0. D. 4z + 6y + 3 = 0.
Lai giai.
Goi z =z + yi, v6i z,y € R. Khi do

lz4+1—1i]=|z—1+ 21

& |let+yi+1—i]=|v+yi—1+2i
S (z+124+@y—-1)2?=(@—-12+(y+2)?
& 4dr—6y—3=0.

Chon dap an @ O
Cau 1179. Cho s6 phiic z = 2 — 3i. Tim mo-dun ctia 6 phitc w = 2z + (1 + 1)Z.

A. Jw| = V/10. B. jw| = 4. C. |w| = V/15. D. |w| = 2v/2.
Loi giai.

w=224+(1+)Z2w=202-3i)+(1+i)(2+3i))=4—6i+2+2i+3i —3=3—1.
Khi dé |w| = v/10.
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Chon dap an @ O
Cau 1180. Tim sb phiic lien hop ciia 86 phitc 2 = 1 — 3i + (1 — )%
A zZ=-1-05i. B.z=1- 5. C.z=1+5i. D.z=5—1.
Loi giai.
Tacoz=1—-3i+1—-2i+i>=1-5i. Suyraz=1+5i.
Chon dap an @ O
Cau 1181. Tim s phtic w = z; — 225, biét rdng 2 = 1 + 2i v 2o = 2 — 3i.
A w=3-—i. B. w=5+8i. C. w=-3+8i. D. w=-3-— 4.
Loi giai.
Ta c6: w =2 — 220 =1+ 2i —2(2 — 3i) = =3 + &i.
Chon dap an (C) O

Cau 1182. Cho hai s6 thic z, y thda phuong trinh 2z + 3 + (1 — 2y)i = 2(2 — i) — 3yi + . Tinh gia
tri biéu thitc P = 2% — 3zy — .
A P=-12. B. P=13. C. P=11 D. P=-3.
Loi giai.
Ta c6

20+3+(1—-2y)i=22—-1i)—3yi+z & 2x+3+(1—-2y)i=4+x+ (—3y—2)i

20 4+3 =44z r=1
= =
1—2y=—-3y—2

Suyra P=2?—-3zy —y=1>-3-(=3) — (—3) = 13.
Chon dap an O
Cau 1183. Cho s6 phiic z théa man |z| = V5. Biét réing tap hop cac diém biéu dién sé phic
w = (2+14)z — 3i 1a mot duong tron ¢6 ban kinh bang r. Tim ban kinh 7.
A.r=1+/5. B.r=5. C. r = /10. D. r = 25.
Loi giai.
Bién doi w = (2+1)z — 3i & w + 3i = (2 +1)z.
Lay mo-dun 2 vé, ta dude |w + 3i| = [(2+i)z| = |2+ ] - |2| = 5.
Vay tap hop diém biéu dién s6 phitc w 1a dudsng tron tam I(0; —3) va ban kinh r = 5.

Chon dap an (B) O
Cau 1184. Cho hai s6 phiic z; = 2 + i, 20 = 4 — 3i. Khi d6 2; - 2 ¢6 phan 4o bang

A 11. B. 2. C. —11. D. —-2.
Loi giai.

2z = (240)(4—3i) =11 — 2.

Vay s6 phiic z; - 2o ¢6 phan 4o bang —2.

Chon dap én@ O

A PR AR U 5 A R , —
Cau 1185. Cho so phtic thoa man z = T Tim mo6-dun cta w = 1z + 2.

—1

A |w| =2v2. B. jw| = 4V2. C. |w| = V2. D. |w| = 3v/2.

Loi giai.
o 1+3 , . .
Taucoz:1 = Z=—142i=zz2=—1-2i=w=-3-3i=|w =3V2
—1

Chon dap én@ O
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Cau 1186. Cho s6 phtic z = a + bi (a, b € R) théa man 3z — 2z — 6 + 10i = 0. Tinh a — b.
A. 8. B. -8. C. —4. D. 4.
Loi giai.
Ta co
32 —2Z2—-64+100 =0
o 3(a+bi) —2(a—bi) — 6+ 10i = 0
& a— 6+ (5b+10)i =0

a=06
= .
b= -2

Suy raa—b=S8.

Chon dap an @ O
Cau 1187. C6 tat ca bao nhieu s6 phiic z théa |z + 3 — i| = 2¢/2 va 22 thuan &o0?

A 1l B. 2. C. 3. D. 4.
Loi giai.

bit z =z +yi(x,y € R).
22 = 2% — y? + 2zyi thuan 4o = 22 —y?> =0 & 2 = y hay 2 = —v.
Véiy=a=|243-i|=2V2e |z +ai+3—i =22 (z+3)°+(z -1’ =8 z=—1.

Véiy = —=x
r=-2—1/3

S z+3—i=2V2e|r—zi+3—i=2V2% (z+3)°+(z+1)’ =8« ,
r=-2+V3

Vay c6 ba s6 phiic z thoa yéu cau bai toan.
Chon dap an @ O

Cau 1188. Diém biéu dién ctia s6 phitc z 14 M(1;2). Toa do clia diém biéu dién cho s6 phiic
w=z—2zZ1la
A (2;-3). B. (2;1). C. (—1;6). D. (2;3).
Loi giai.
Tu gia thiét suy ra z = 1 + 2i.
Tir do w =2 — 27 = (1 + 2i) — 2(1 — 2i) = —1 + 6i.

Vay toa do clia diém biéu dién sé phitc w 14 (—1;6).

Chon déap an @ OJ
Cau 1189. Khai trién clia bicu thitc (22 +x+41)%'® duge viét thanh ag+ a2+ asz?® 4 - -+ asg3620%.
Téng S = ag — A + a4 — ag + * + - — Ag034 + Q4036 béng

A, —21009, B. 0. C. 21009, D. —1.
Loi giai.
Ta c6 i2 = —1, i* =1 = i**2 = —1, i = 1 v6i moi m nguyén duong.

Theo gia thiét thi (2% + 2 + 1)?"® = ag + a1 + aox® + - - - + ay036201°C.

Cho x = 1, thu dugc

N2 2018 . -2 -3 4 4034 -4035 -4036
[(Z> +1+ 1} = ag + a1t + a21” + aszl” + a4l + - - - + Q40347 + Q4035 + Q4036?
-2018 - -3 4035
=1 =ag+ a1t — ag +ast” + aqg + - — Q4034 + Q40352 + Q4036
- -3 -4035
<:>—1:(ao—a2+a4+---—a4034+a4036)+(a12+a32 + -+ 4+ Q40352 ) (1)
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Cha ¥ ring véi moi n = 2m + 1 18 thi i" = ¢*™* = ™ = (—1)™4 la s6 thuan 4o, nén
(1) & —1=ag—as+as — -+ — 4034 + a4036.
Chon dap én (D) O

Cau 1190. Cho cac s6 phiic 21, 29, 23 thoa man diéu kien |21 =4, |22 = 3, |23] = 2 va 421 - 20 +
162 - 23 + 921 - 23| = 48. Gia tri ctia biéu thitc P = |z, + 29 + 23| bing

A. 1. B. 8. C. 2. D. 6.
Loi giai.
Dat 2y = 4wy, 23 = 3wy, 23 = 2ws V6i |w| = |we| = |ws| = 1. Thu duge

|4 - 4wy - 3wy + 16 - 3w - 2ws + 9 - 4wy - 2ws| = 48 & |2wywy + dwows + 3wyws| = 2. (1)

Nhan vao hai vé ctia (1) v6i |wiwews|, v6i chit ¥ réng 2 +w =z +w, z-w = 2 - W, 2 - 2 = |2]%,
lw;| =1, w; - w; = [w]* =1 (i = 1,2,3), |2] = |z|, ta dugc

’2@3 + 4w, + 3@2' =2& ]2w3 + 4wy + 3w2] =2

-~ ]2w3+4w1+3w2|:2<:>]zl—|-,22+23|:2.

Vay P = 2.
Chon dap an @ O
Cau 1191. Cho s6 phitc z = —2 + i. Diém nao sau day la diém biéu dién ciia sé phitc w = iz trén

mat phang toa do?

A. P(=2;1). B. N(2;1). C. Q(1;2). D. M(—1;-2).
Loi giai.
C6 w = zi =i(—2+1i) = —1 — 2 nén diém biéu dién ctia w la diem M(—1;—2).
Chon dap an @ O

Cau 1192. Gia st 21, 2, la hai nghiém phic ctia phuong trinh (2 +14)|z[z — (1 — 2i)z| = |1+ 3i| va
|21 — 23] = 1. Tinh M = |22 + 32|
A. M =19. B. M = 25. C. M =19. D. M =/19.
Lo giai.
Ta c6 |(2+i)|z|z— (1—20)z| = [1+3i] & |2[(2+i)]z| = 1+ 2i] | = |1 + 3i]
& 12V @lel = 1) + (121 +2)° = VIO & |2 (5] +5) = 10 & [2]* + |2 ~2 =0 & |2| = 1.
Suy ra |z1] = |2| = 1.
Mat khac 221 + 322|> = (221 + 329) (221 + 322) 13+ 6 (2123 + 21.29)

Va|zr — 2P = (21— 20) (71— Z2) = 2 — (21.72 + Z1.22).
Do d6 M? + 6|21 — 2|2 :25:>M:\/_.
Chon dap z’m@ OJ

Cau 1193. Cho sb phtic z thda man |z + 3 — 4i| = 5. Biét réing tap hop diém trong mat phiang toa
do biéu dién cac s6 phic z 1a mot dudsng tron. Tim toa do tam I v ban kinh R ctia duong tron
do.

A I(3;—4), R=+5. B.I(-3;4), R=+5. C.I(3;-4), R=5. D. I(-3;4), R =5.
Loi giai.
Goiz=x+1y, (z,y €R) thi |2 +3—4i|=5 < (z+3)*+ (y — 4)? = 25. Vay tam I(—3;4) va ban
kinh R = 5.
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Chon déap an @ OJ
Cau 1194. Tong phan thyc va phan 4o ctia s6 phiic z thda méan iz + (1 — i)z = —2i bang

A. 2. B. —2. C. 6. D. —6.
Loi giai.

Goi z =z + 1y, (z,y € R).
iz (1—i)z2=-2 & i(z+iy)+ (1 —i)(x—iy)=—2i
& (r—-2y)+(2—-y)i=0

x—2y=20 r=4
=
2—y=0 y=2
Vay « +y = 6.
Cach 2: Cach trac nghiem
Nhap méy tinh iz + (1 —4)z
CALC z =1 ta dugc 1 + 0¢; CALC z =14 ta dugec —2 — 1.
lx =2y =0 r=4
Giai he & .
Or — 1y = -2 y=2
Vay « +y = 6.
Chon dép an (C) O

Cau 1195. Cho s6 phiic z = 3 + 5i. Tim modun ctia s6 phitc w = iz + Z.
A |lw|=2. B. jw|=2+V2. C. |w| = 3v/2. D. |w| = 2v/2.
Lai giai.
Tacbw=1iz+Z=1i(3+5)+3—5i=—-2—2i = |w =22
Chon dap én@ O
Cau 1196. Cho s6 phiic z =z + yi (z,y € R) théa man 2 +2 —i — ‘z|(1 —i) = 0. Trong mit phang
toa do Oxy, diem M la diém bicu dién ctia s6 phitc z. Héi M thuoc dudng thing nao sau day?
A z—y+5=0. B z—y+2=0. C.z+y—2=0. D.z4+y+1=0.
Loi giai.
Tacoz+2—i—|z|(1—i)=0&a+yi+2—i—(1—i)\/22+y2=0
ert+2- a2+ + (y—1+ 22+ 2)i=0

r+2—224+y>=0
& =c+2— 22+ +y—1+y/2*+y*=00+y+1=0.
y—14++22+y2=0

Do d6 M thuoc dudng thing v + vy + 1 = 0.

Chon dap an @ O
. 1—+/3i)3
Cau 1197. Cho s0 phtc z thoa méan z = H& Tim modun cua w = z — iz.
—1

A. 8V2. B. 8. C. 4V/2. D. 4.

Loi giai.
1—+/3i)3
Ta c6d z = (1& = —4 — 4.
—1

Suyraz=-44+4i;dodo w=2z—1z2=—-8+ 8.

Vay |w| = |2 — 7] = /(-8 + & = 8v/2.

Chon dap an @ O

Suu tam € bién soan Th.s Nguyén Chin Em 302 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 1198. Cho cac s6 phiic z thoéa man |z —i| = 5. Biét ring tap hop diém biéu dién s6 phiic
w =1z + 1 — 1 la duong tron. Tinh ban kinh cta duong tron do.

A. r=20. B. r=5. C.r=22 D.r=4.
Loi giai.
Tacow=iz+1—isw+i=1i(z—1i). Suyra |w+i| = |i|]|z —i| = 5.
Vay tap hop nhiing diém biéu dién cho s6 phtic w 1a dudng tron tam I(0; —1), ban kinh r = 5.
Chon dap an O
Cau 1199. Cho hai s6 phtic 2; = 1 + 2i; 29 = 2 — 3i. Xac dinh phan thyc va phan 4o ciia s6 phiic
221 + 2zo.

A. Phan thyc 13 4, phan 4o 14 —6. B. Phan thyc 13 4, phan 4o 1 —1.
C. Phan thuc Ia —1, phan 3o 1a 4. D. Phan thyc 1a 4, phan 4o 1a 5.
Loi giai.

ta cod: 221 + 29 = 4 — 4.

Suy ra phan thue 1a 4, phan 4o 1a —1.

Chon dap an O
Cau 1200. Cho hai s6 phiic 21, 2, thda man |2z —i| = |iz + 2|, biét |2, — 25| = +/2. Tinh gié tri clia
bléu thic A = |Zl - 222|

Loi giai.

Goi 21 = x1 + Y11, 20 = Ty + Yot VOi 11, Y1, T2, Y2 € R. Theo gid thiét ta co

1221 + (2y1 — 1)i| = |2 — y1 + 741 i+yi =1

229+ (2ys — 1)i[ = 2 —yo + 20| S 23 +ys=1
(71— 22)* + (Y1 — 92)* = 2 122 + Y1y2 =0

Do d6, A? = |z1 — 22> = (v1 — 222) + (41 — 292)° = (2] + y7) + 4(23 + ¥3) — 4(v122 + Y1y2) = 5.
Khi d6 A = V/5.
Chon dap an @ O
Cau 1201. Cho sb phiic 2 = a + bi, (a,b € R) thoa man z — (2 + 3i)z = —1 — 3i. Tinh gia tri cta
biéu thic S = ab + 1.
A S=1 B. §=-1. C. S=-2 D. S=0.
Loi gii.
Ta co
(24307 =—1-3i
S (a+bi)— (24 3i)(a—bi) =—1—30

Sa+bi—2a+2bt —3ai —3b=—-1-3i

a+3b=1 a=1
& (—a—3b)+(3b—3a)=—-1-3i < . &
a — =

TudosuyraS=ab+1=1.
Chon dap én@ O
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Cau 1202. Hai s6 phiic 2; = 2 + 3i, 20 = 1 + 4. Gia tri cia biéu thitc |2; + 3zo| 1a
A. V/55. B. 5. C. 6. D. V61.
Loi giai.
Ta c6 z1 + 320 =2+ 3i + 3(1 + i) = 5 + 6i.
Do d6 |21 + 32| = |5 + 6] = V52 + 62 = V/61.
Chon dap an @ O

Cau 1203. Cho s6 phiic 2 théa man |z — 1| = |z — 2 + 3i|. Tap hgp céc diém biéu dién s phitc 2
1a
A. Duong tron tam [(1;2), ban kinh R = 1.
B. Duong thang c6 phuong trinh 2z — 6y + 12 = 0.
C. Duong thang c6 phuong trinh z — 3y — 6 = 0.
D. Dudng thang c6 phuong trinh z — 5y — 6 = 0.
Loi giai.
bit z =z +yi (z,y € R). Ta co
|z2—1] = |2—2+3i| & |z—1+4vyi| = |[v—2+(y+3)i| & (z—1)*+y* = (x—2)*+(y+3)? & z—3y—6 = 0.
Vay tap hop cac diém biéu dién s6 phiic z 14 duong thing c¢6 phuong trinh o — 3y — 6 = 0.
Chon dap an @ O

Cau 1204. S6 phiic lien hgp ctia s6 phiic z = i(1 — 2i) c6 diém bic¢u dién trong mit phang toa do
la diém nao dudi day?

A. E(2;-1). B. B(—1;2). C. A(1;2). D. F(-2;1).
Lo giai.
Tacéz=i(1—-2i)=i—22=2+i=z=2—1i Do db zc6 diém bidu dién trong mit phing toa
do 1a diém E(2; —1).
Chon dap an @ O

Cau 1205. Biét s6 phitc z c6 phan 4o khac 0 va théa man |z — (2 + )| = V10 va z - Z = 25. Diém
nao sau day biéu dién sb phiic z trén?
A. P(4;-3). B. N (3;—4). C. M (3;4). D. @ (4;3).
L3i giai.
Dit z =x +yi, v6i x,y € R va y # 0.

Ta cb

=
z2-Z=25 (x4 yi)(x — yi) = 25

{|z—(2+z')y—\/ﬁ V(@ —2)2+ (y —1)2 = V10
2?4y —4dr—2y—5=0
54
2?4 y? =25
20 +y—10=0 (1)
=
2+ y* =25 (2).

Tu (1) ta c6 y = 10 — 2z, thay vao (2) ta dugc

r=5=y=0

22+ (10 — 22)? = 25 < 522 — 402 + 75 = 0 <
r=3=y=4
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Nhu vay 2z = 3 + 44, nén diém biéu dién s phitc z 1a diém M (3;4).

Chon dap an @ O
Cau 1206. C6 bao nhiéu s6 phiic z théa man (1+ i)z + (2 —4)z = 13 + 247

A 4. B. 3. C. 2 D. 1.
Lai giai.

Diat z = a + bi(a,b € R), ta co:

(1+d)z4+(2—)2=13+2i
& (L+i)(a+bi)+(2—1i)(a—bi) =13+ 2
3a — 2b =13 {a:3
=

& 3a—2—bi=13+2 <
—b=2

Vay z = 3 — 2i nén c6 1 s6 phitc z thoa man.

Chon déap an @ OJ
Cau 1207. Tong phan thyc va phan 4o clia s6 phitc z = (1 +1)? — (3 + 3i) 1a

A. V10. B. 4. C. 4. D. -3 —u.
Loi giai.

Ta c6 z = 2i — 3 — 3i = —3 — i nén tong phan thic va phan 4o bing —4.
Chon dap an O

Cau 1208. Cho s6 phitc z = 3 — 5i. Goi w = z + yi, (z,y € R) la mot can bac hai ctia 2. Gia tri
ctia biéu thite T = 2* + ¢* 1a
43 17

A.TZE. B. T = 34. C. T =706. D.T:?.

Loi giai.
2 .2
¥ =y =3
Ta co w? =2 & 2% —y? + 22yi = 3 — 5i & Y
2zy = —5.
2
Chon dap an @ O

5\ 2
Métacc’)T:x4+y4:(:132—3/2)2+2-x2y2:32+2.<__> = —.

Cau 1209. Goi 21, 29 1a hai trong cac s6 phiic 2z théa man |z — 1+ 2i| = 5 va |21 — 23| = 8. Tim
mo-dun clia s6 phiic w = 2z + 2 — 2 + 4.
A. |w| = 13. B. |w| = 10. C. |w| = 16. D. |w| = 6.
Loi giai.
Goi I(1;—2) la diém biéu dién s6 phitc 1 — 27 va 4, B lan lugt 1a cac diém biéu dién s6 phiic 21, 2p.
Vi |z —1+2i| =5 nén A, B thuoc (I;5) va |21 — 22| = 8 nén AB = 8.
Ta ¢6 |w| = ]I_A)%— I_B)] = 21 H véi H 1a trung diem AB.
Ma TH =+/1A2 — AH? = /52 — 42 = 3.
Vay |w| = 6.
Chon dap an @ O

Cau 1210. Cho s6 phiic z théa man (z —2+1i)(z — 2 — i) = 25. Biét tap hop cac diém M biéu dién
s6 phitc w = 2z — 2+ 3i 1a dudng tron c¢6 tam I(a;b) va ban kinh c. Gia tri ctia a + b+ ¢ bang

A. 18. B. 10. C. 20. D. 17.
Loi giai.
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Taco (z—2+i)(z—2—i)=2z—-2—i-(Z—-2—49)=z—-2—-i[>)=25=|z—-2—i| =5.
Tacow—2—-5=2zZ—-2—1)= |w—2—-5i =2|z—2—1i| = 10.

Tap hop diém biéu dién w 1a dudng tron tam I(2;5) va ban kinh R = 10.

Vay a+b+c=17.

ChQﬂdépéﬂ@ O

Cau 1211. Cho s6 phiic z = a + bi, (a,b € R) théa man z + 7+ i — |z|(2+ i) =0 va |z| < 3. Tinh
P =a+0.
1

A. P=5. B.P:—§. C.P=T. D.P:g.

L&i giai.

a+7=2vVa?+ 1% (1)
Va2 +02=b+1(2)

Z+7+i—|z|(2+i):0<:>a+7+(b+1)z'—2\/a2—|—b2_\/a2+52i:0<:>{

Suyraa+7=2(0b+1)= a=2b—5 thé vao (2) ta dugc

b>—1
b>—1
(2b—52+b2=b+1< e |b=4
46° —22b+24 =0 3
b - 5
V6ib=4=a=3= |z| =5 >3 (khong thoa man).
3
Véibziéa;—2:|z|=§<3.1
Vayz:—2+§i:>P:a+b:—§.
Chon dap an O
Cau 1212. Cho s6 phtic z = 2 — 3i. Tinh mo-dun ctia s6 phitc w = (1 + 1)z.
A. |w| = v26. B. |w| =v3T. C. |w| =5. D. |w| =4.
Lai giai.
Ta c6 |w| = |(1 +d)z| = |1+ |2 — 3i| = V2 - V13 = v/26.
Chon dap an @ O

Cau 1213. Cho hai s6 phiic z; va zp théa man 2z, + 2o = 84 67 VA |21 — 29| = 2. Tim gi4 tri 16n nhat
cia P = |z + 2.
A. P =46. B. P =226 C. P=5+35. D. P =34+ 3V2.
Lo gidi.
Dat z1 =a+bi, zy=c+divéia, b, ¢, d € R.
a+c=38
btd=6.
21— 2l =|(a—c)+ (b—d)i| =2 (a—c)*+ (b—d)* = 4.
Do dé, (a—c)>+(b—d)?+(a+c)*+(b+d)?=4+8+6%=104 = a® + >+ %+ d? = 52.
Suy ra |21|* + |22|? = 52.

Tacézl+z2:8+6i<:>(a+c)+(b+d)i:8+6i(:>{

Ta co ,
(lztl + 122" < 2 (|21]* + [22]?) = 104
& |z1| + |22 < V104 = 2v/26.
Dau “=" xdy ra khi |21] = |2o].
Chon dap an O

2018 2018
Cau]214.qﬁnh})=)14—v§4 +)1—-v§4
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A. P=2 B. P — 21010, C. P — 22009, D. P—4.
Loi gidi.
Ta c6: ‘1 n \/32‘ - ’1 . \/§z) — 9, nen P — 22018 | 92018 _ 92019
Chon dap an @ O

Cau 1215. Goi (H) la tap hgp cac diém biéu dién s6 phitc z thod 1 < |z — 1| < 2 trong mit phang
phtic. Tinh dién tich hinh (H).

A. 2. B. 3. C. 4r. D. 57.
Loi giai.
Gidstt z = +yi,z,y €R, khido: 1 <[z -1 <2e 1< (v —1)2+y? <4, suy ra diém biéu dién
s6 phiic z ndm trong hinh vanh khuyén giéi han bdéi 2 hinh tron dong tam I(1;0) c¢6 ban kinh lan
luot 1a Ry = 1 va Ry = 2. Tt d6 suy ra dién tich hinh (H) la: S = 7R3 — nR? = 3.
Chon déap an OJ

Cau 1216. Cho s6 phiic z = a + bi (a,b la cac s6 thuc) thdéa méan z - |z| + 2z +4 = 0. Tinh gia tri
cia biéu thitc T = a + b?

A T=4V3-2 B. T =3+2V2. C.T=3-2V2 D. T =4+ 2V3.
Loi giai.
Ta c6 (a+ bi) - Va% + %+ 2(a+bi) +i=0
g a- Va2 +0+2a=0 a=20
W {b-\/m+2b+1:0@{b-|bl+26+1:0(*)
V6ib>0thi (x) b +20+1=0<b=—1 (loai)
V6i b < 0 thi (¥) < —b*+20+1=0«b=1=++/2. Nhan gia tri b =1 — /2.
Vay T =a+b* =3 —2v2.

Chon dap an @ O
Cau 1217. Tap hop cac diém biéu dién s6 phitc z thda man |z — 3 + 4i| =5 1a

A. Mot duong tron. B. Mot dusng thang.

C. Mot duong parabol. D. Mot duong elip.
Loi giai.

Goi z =2z 4+ yi véi x,y € R.
Theo gidi thiét [z —3+4i| =5 [(z —3)+ (y+4)i| =5 < (. —3)* + (y +4)? = 25.
Vay tap hop diém biéu dién s6 phiic z 14 dudng tron tam I(3; —4) ban kinh R = 5.

Chon dap an (A) O
Cau 1218. C6 bao nhiéu s6 phiic z théa man |z — 1 — 3| = 3v/2 va (2 + 2i)° 1a s6 thudn 407

A 1 B. 2. C. 3. D. 4.
Loi giai.

Goi z=a+ bi,a,b e R.
Taco |z —1-3i|=3vV2< (a— 12+ (b—-3)>=18. (1)
a=b+2

Mt khéc (z 4+ 2i)* = (a4 (b+2)i)* = a® — (b+ 2)2 + 2a(b+ 2)i 1a s6 thuan 4o nén [ e
a=—b—-2

b=14+vV5=a=3+V5
b=1—-vV5=>a=3-+5

+ Néu a = b+2 thé vao phuong trinh (1) tacé (b+1)2+(b—3)? = 18 & [
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+ Néu a = —b — 2 thé vao phuong trinh (1) tac6 (b+3)*+(b—3)> =18 b=0=a = —2.

Vay c6 3 s6 phiic théa man yéu cau bai toan.

Chon dép an (C) O
Cau 1219. Tim mo-dun ctia s6 phic z biét z —4 = (1 +1) 2| — (44 32) 1.
A |z] = 4. B. |z] =1. C. |z| = % D. |z| =2.
Loi giai.
Ta co

p—A4=(141)]z| - (4+32)ie 1+3i)z=(1+1i)|z] +4(1—1)
1+i 1—i (1+1i)(1— 3i) (1—1)(1 = 3i)

Sirs Pt T et T o ass At asya o

- <2 1_) 2| — 4 <1+2.) - (2| | 4) (|z|+8)
z=|=-—==1)z| 4|+ z1)=2=|=2|l—-=] - | =+ L
5 5 5 5 5 5 D

Khi do ) ,
2 4 8
12| = (g 2] — 5) + ('%' + 3> & 25027 = (2]2] —4)% + (2| + 8)*
2 2 2 2 2| =2
& 252> = 42> — 16 |2 + 16 + |2> + 16 |2| + 64 < 20 |2|* = 80 & N
zl = —2.

Suy ra |z| = 2.

Chon dép an (D) O

Cau 1220. Biét phuong trinh 2% + 2z +m = 0 (m € R) c6 mot nghiem phiic z; = —1 + 3i va 2, &
nghiém phiic con lai. S6 phiic 2, + 22, 1a

A. -3+ 3. B. -3+ 9. C. -3-3i. D. -3+09.
Loi giai.
Tacoz +2p=—=-22n=-2—2=-2+1-3i=—1-3.
a
Vay 21 + 220 = —3 — 3.
Chon dép &n (C) O
Cau 1221. Nghiém ctia phuong trinh 222 4 3z 4+ 4 = 0 trén tap s6 phic la
-3+ V23 3— /231 3+ V231 -3 —23i
A 2z = 1 29 = T B. A= s
-3+ V23 —3 —V/23i 34+ V23 3 —/23i
C.z= 29 = . Dzy=—F—;20=——.
4 4 4 4
Lai giai.
-3+ 230 -3 — 231
Phuong trinh da cho c¢6 hai nghiém la z; = - 1 Z; = 1 Z.
Chon dap an @ O
Cau 1222. Phuong trinh z? + |z| = 0 ¢6 miy nghiém trong tap so phiic?
A. C6 2 nghiém. B. Co6 3 nghiém. C. C6 1 nghiém. D. C6 4 nghiém.

Loi giai.
Gia stt 86 phiic z can tim c6 dang a + bi, khi d6 phuong trinh da cho tré thanh

a’+2abi — V> + Va2 + 2 =0
a’> = b’ +Va>+ b =0
<:><a2—b2+\/a2+62)+2abi:0:>{ ,
2ab =10

Giai he trén ta thu duge tap nghiem la (a;b) = {(0;0), (0;1), (0; —1)}.
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Chon dép an (B) O
Cau 1223. Tim phan thyc va phan 4o ctia s6 phiic z, biét z = —i(4i + 3).

A. Phan thyc bang 4, phan 4o bang 3. B. Phan thyc bang 4, phan 4o bang —3.

C. Phan thyc bang 4, phan 4o bang 3i. D. Phan thyc bang 4, phan 4o bang —3i.
Loi giai.
z=4—3inén 7z =4+ 3i. Vay z c6 phan thuyc bing 4, phan 4o bang 3.
Chon dap an @ O
Cau 1224. Cho s6 phiic z théa man (1 + 2i)z — 5 = 3i. Tim s6 phiic lien hgp clia s6 phiic z.

11 7 11 7 11 7 11 7
Az=—_14 B. 7= — + 4 C.r=—— 1 D.s=—— 41
z 5 52 z 5 + 52 z 5 5z Z 5 + 52
Lo gidi.
) 5+3 11 7 11 7
T gia thiet, t = = ——=i. S Z=—+ —1.
gla thiet, ta suy ra 2 T2 5 51 uy ra z 5—1—52
Chon dap an O
Cau 1225. Trong mit phang phiic, biét s6 phiic 2z c¢6 diém bieu dién nam trong goc phan tu (I).
Hoéi diém biéu dién ctia sé phitc w = — nidm trong géc phan tu nao?
iz

A. (). B. (II). C. (I11). D. (IV).

Loi giai.

Diém biéu dién ctia iz chinh 1a anh ctia diém bicu dién ctia 2z qua phép quay tam O, géc quay 90°.
2 2 ~ 1 2 2 ~ Z
Trong khi diem bieu dién ctia — va diem bieu dién cta z khac phia doi véi truc hoanh va cting phia
z
ddi véi truc tung. Vay diém biéu dién ctia w thudc goc phan tu (I17).

Chon dap an @ O
Cau 1226. Cho s6 phiic z thda man cac diéu kien |z — 2| = |z| va (z —3)(z2 +1 —44) € R. Tim phan

4o clia sO phic z.

A -2 B. —1. C. 2. D. 1.
Loi gii.
Diat 2 =z +yi v6i x,y € R. Tt |z — 2| = |z] ta suy ra (z — 2)% + y* = 2% + y?, hay z = 1. Khi d6,
(z=3)(z+1—4i)=(—2+yi)(2— (y+4)i) =y*+4y — 4+ 4(y+2)i € R & y = —2. Vay, phan do
clia z bang —2.
Chon dap an @ O

Cau 1227. Cho sb phtic 2 thda man |z — 3| = 1. Biét riang tap hgp cac diém biéu dién clia s6 phiic
w = (1 —/3i)z + 1 — 2i la mot duong tron. Tinh ban kinh r ctia dudng tron do.
A.r=2. B.r=1. C.r=4. D.r =42
Loi gidi.
w—14+2
1—V3i
mo-dun hai vé, ta suy ra ‘w —44+ 2+ 3\/§)z’ = ‘(z —3)(1 —/3i)| = 2. Vay, r = 2.

Tit gia thiét, ta suy ra 3=2-3 hay w—1+2i—3(1—+/3i) = (2 —3)(1 — V3i). Lay

Chon dap an @ O
Cau 1228. Néu modun clia s6 phite z bang 7 (r > 0) thi modun ctia s6 phtic (1 —i)?z béing
A. 2r. B. 4r. C.r. D. /2.
Loi giai.
Ta co

(1 —1)%2] = [(L—1)*| - [2] = 2|z| = 2r.
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Chon dap an @ O
Cau 1229. Cho hai s6 phiic z; = 1 + 3i, 29 = 3 — 4i. Modun ctia s6 phtic w = z; + 2z, bang
A V1T, B. V15. C. 17 D. 15.
Loi giai.
Ta c6 w =4 —1i. Suy ra |w| = /42 + (—1)? = V1T.
Chon dap &n (A) O
Cau 1230. Modun ctia s6 phitc z = (2 — 3i)(1 +1)* 1a
A |z] = -8+ 12i. B. |z] = V13. C. |z| =4v13. D. |z] = v3Ll.
Loi giai.

Taco (14+1)2=1+2i+i% =2 = (141)* = (2i)? = 4i> = —4 nén
z=(2-3)(1+i)*=(2—3i)(—4) = -8 + 12i.

Tt d6 |z| = 1/(—8)2 + 122 = 41/13.

Chon dap an @ 0
Cau 1231. Cho s6 phiic z théa méan z + 2z = 12 — 2i. Phan thuc a va phan 4o b clia z 1a

A a=4, b=2i B.a=4, b=2. C.a=4 b=-2. D.a=4, b= -2i
Loi giai.

Ta c¢6 z = a + bi. T gia thiét suy ra

a+bi+2(a—bi)=12— 2 < 3a—bi=12—2i

3a =12 a=4
= =
—b=-2 b=2.
Vaya =4, b= 2.

Chon dap an O

Y ? ? ~ Z 1 Z
Cau 1232. Cho A, B, C lan lugt 1a cac diem bieu dién cta céc so phic 4 — 3i, (1 + 2i)i va —. SO
1
phtic ¢6 diém biéu dién D sao cho tit gidc ABCD 1a hinh binh hanh I3

A. —6— 4i. B. —6+ 3i. C. 6 — 5i. D. 4 - 2i.
Loi giai.
.
Ta c6 (1+20)i = =241, - = = = —i.
1 1

Toa do clia cac diém A, B, C' 1a A(4;-3), B(-2;1), C(0;—1).
T giac ABC'D 1a hinh binh hanh khi

— — IDp — 4=0+2 Ip = 6
AD = BC & &
yp+3=—-1-1 Yp = —5.
Vay D la diém biéu dién ctia s6 phtic z = 6 — 5.
Chon dap an @ O
Cau 1233. Rit gon bicu thiic M = (1 —1)?°® ta dugc
A. M = 21009, B. M = —21009, C. M = 21009 D. M = —21009,

Lai giai.

Taco (1—i)2=1-2i+i2=—2i= (1 —i) = (=2i)2 = 22 Tir d6

M = (1 . i>2018 _ (1 _ i)4-504+2 _ [(1 _ i)ﬂ 504 (1 _ i)2 _ (22)504 . (—Qi) — _91009;
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Chon dap én (D) O
Cau 1234. Tap hop cac diém biéu dién s6 phic z thda man 2|z —i| = |z — z + 2i| 1a

A. Mot duong thing. B. Mot dudng tron. C. Mot parabol. D. Mot diém.
Loi giai.

Goi z =z +yi, (z,y € R). Ta co

2|z —1i] = |z — Z + 2]
< 2z + (y — 1)i| = [(2y + 2)i]
S a®+(y—1)7=(y+1)?
sty -2y+l1=9"+2y+1

1

=Y = sz
Vay tap hop céc diém biéu dién sb6 phtic z 1a mot parabol.
Chon dap an @ O
Cau 1235. Cho hai s6 phiic z = (a —2b) — (a —b)i va w = 1 — 24, biét z = wi. Tinh S = a +b.

A S=-T1. B. §S=—-4. C. S=-3 D. S=7.
Loi gii.
Ta co
Z = wi

( (a—0b)i=(1—2i)
& (a—20)—(a—Db)i=2+1

a=—4
& =S=a+b=—-7
b——3
Chon dap an @ O
Cau 1236. C6 bao nhiéu s6 phiic 2z théa man diéu kien 2% = |z|* 4 27
A 1 B. 4. C. 2. D. 3.
Loi giéi.

biat z =a+bi(a,b € R). Ta ¢

Z2=12+7 & (a+bi)=a>+b*+a—bi
& 2abi — b =b"+a—bi

2ab = —b
— b=t +a

1
b:ohv = — —
oac a 5

=4
20* +a = 0.
—b=0=a=0= 2=
1 1
—a=—3 b=ft-—=>2=—+ =1
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Vay c6 3 s6 phitc thda man.
Chon déap an @ OJ
Cau 1237. Cho s6 phiic z théa man z + (14 i)z = 5 + 2i. Mo-dun ctia z bang

A. 3. B. V6. C. V21. D. V5.
Loi giai.
Dat z=a+bi. Taco 2+ (14+0)2=5+2i < (a+bi)+ (1 +i)(a—bi) =5+2i < 2a+b+ai =5+2i

2a+b=5 a=2
@{ @{b =2=2+i=|2|=Vb
=1

Chon dép an (D) O
Cau 1238. S6 nguyén duong n théa man he thie: C§, —C2 +C5 —CS +C5 —Ci04- . .4 (=1)"C3" =

21008 lfi

A. 2018. B. 2016. C. 1009. D. 1008.
LJi giai.
Xét khai trién

(L+2)" = Co, + Capw + Co2” + O + Cop” + CG2% + - G5 7 Ta™ ™+ Ca™,

Cho z =1 ta co

(144> = CY, +CLi+C%i%+ Can + Cznz + C3,i% 4+ CS,i% + -+ 4 Cor 1t 4 OO

Khi d6 (14 )% = 21908 & [(1 4 §)2)" = 21008 & (24)" = 21008 5 onjn — 91008 &y — 1008,
Chon déap an @ OJ
Cau 1239. Cho s6 phiic 2 = a + bi (a,b € R,a > 0) théa man |z — 1+ 2i| =5 va z -z = 10. Tinh
P=a-b.

A. P=4 B. P=-4. C. P=-2 D. P=2.
Lo giai.
Goi z = a + bi(a,b € R).

{12—1—22']:5 {(a—1)2+(b+2)2:25 {—2a+4b:10
= =

z-z2=10 a®+b* =10 a’ +b* =10
a=2b—-5 a=—3(loai) a=1
= & hoac =P=1-3=-2.

5b* — 200 + 15 = 0 b=1 b=3
Chondépén@ OJ
Cau 1240. Cho hai s phiic 2 = 2 + 3i, 20 = —4 — 5i. Tinh 2 = 2; + 2.

A z=-2-2;. B. z2=-2+42s. C. z2=2+2i. D.z=2-2.

Loi giai.
2221+22:2+3i—4—5i:—2—2i.
Chondépén@ O
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Cau 1241. Cho s6 phitc z = —3 + 4i. Mo-dun ctia s6 phiic z 1a

A. 4. B. 7. C. 3. D. 5.
Loi giai.
Ta c6 |2| = \/(—3)2 + 42 = 5.
Chon dap an @ O

Cau 1242. Cho i 1a don vi 4o. Goi S 13 tap hop tat ca cac s6 n nguyén duong c6 hai chit s6 thoa
man " 1a s6 nguyén duong. S6 phan tit ctia S 1a

A. 22 B. 23. C. 45. D. 46.
Loi giai.
i" 1a $6 nguyén duong khi va chi khi n = 4k, vé6i k nguyén duong. Khi d6, tap hop S = {n = 4k|3 <
k < 24}. Vay s6 phan tit ctia tap S 14 24 — 3 +1 = 22,
Chon dap an (A) O

i i i ) ‘ -2 2
Cau 1243. Goi M(x;y) la diem bieu dién cta s6 phiic z théa méan log% %
9l —

> 1. Khi d6
(x;y) théa méan hé thic nao dudi day?

A (z+2)2+9>>49. B. (z+2)2+9y2<49. C. (z—2)?2+9?><49. D. (z—2)? +y* > 49.
Loi giai.

. 1
Didu kien 4]z = 2| - 1> 0% (z - 2)? +¢* > —

16
Ta co
1]z—2|+2 |z —2]+2 1
S A sl LT ez —2 46 <4z -2 -1 |22 >7
34z —2[— 1 oo =1 ~3 A 6<dz-2 l2=2]
& (v —2)% +y* > 49.
Chon dép an (D) O

Cau 1244. Cho s6 phiic z = a + bi (a,b € R) théa man (z +1+1)(z — i) + 3i = 9 va [z| > 2. Tinh
P=a+0.

A. -3. B. -1 C. 1 D. 2.
Loi giai.
Taco (z+1+40)(z—1)+3i =9 224+i(z—2)+z—i+1+3i=9 & >+ 0> +20+a—bi+1+2i = 9.
Dod6b=2vaa*+a=0<% a=0hoica=—1. Do [z| >2nén ta chon a = —1. Vay P = 1.

ChQﬂdépéﬂ@ O
Cau 1245. Cho s6 phtic u = 3 + 4i. Néu 22 = u thi ta c6
z=441 z=1+2 z2=24+1 z=14+1
. B. . C. . D. .
z=—4—1 z=2—1 z2=—-2—1 z=1—1
Li giai.
(0
‘ ‘ ‘ a>—b* =3 b=1
Vé6iz=a+bi,a,beE Rtacoz? =ua®—b>+2abi =3+ 4i & & .
2ab =4 a=—2
b= —1
Chondépén@ O

Cau 1246. Cho hai s phtic 2 = 2 + 3i va 2o = —4 — 5. Tim s6 phtic z = z; + 2.
A.z=2+2i. B. z2=-2-2. C. z2=2-2i. D. z2=-24+2s.
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Loi giai.
Ta cb 21+ 29 = (24 3i) + (=4 — 5i) = =2 — 2i.
Chon dép an (B) O
Cau 1247. Cho s6 phiic z; = 3 + 21, 2 = 6 + 5i. Tim s6 phiic lién hop clia 2z = 621 + H2s.
A. z =51+ 40:. B. z =51 — 40:. C. z=48+ 3T7.. D. z =48 — 37i.
Loi giai.
Ta c6 2 =621 + Dz =48 + 37t nén z = 48 — 37x.
Chon dap an @ O
Cau 1248. Tinh modun cia s6 phiic 2z thod man 3z - z + 2017 (z — z) = 48 — 20161
A. |z| =4. B. |z| = v/2016. C. |z| = V2017. D. |z] =2
Loi giai.
Gia stt 2z = a + bi, tu gia thiét ta c6 3|z|* = 48 — 20160 — 20 - 2017i = 48 (vi |z|> € R), suy ra |z| = 4.
Chon déap an @ O

Cau 1249. Cho s6 phic z = a + bi (v6i a,b 1a s6 nguyén) théoa man (1 — 3i)z 1a s6 thuc va
|z — 2+ 5i| = 1. Khi d6 a + b bang
A9 B. 8. C. 7. D. 6.
Lo gidi.
Tac6 (1 —3i)z=(a+3b)+ (b—3a)i,Z—2+5i=(a—2)+ (5b—b)i.
Theo bai ra ta c6 hé phuong trinh

b—3a=0 b=3a
=
(a—22+(B-b*=1 5a> —17a +14 =0

b=3a
7 a=2
<4 |a= - (loai) =
i) b=©6
a=2
Vay a + b = 8.
Chon déap an OJ
Cau 1250. Cho s6 phtic z théoa man (3 + 2i)z + (2 —i)*> = 4 + 4. Hieu phan thyc va phan 4o clia s6
phic z la
A. 3. B. 2. C. 1. D. 0.

Loi giai.

Taco (342i)r+(2—i2=d+ie (3+2):+B—4i)=d+ie (3+2):=1+5bisz=1+i
Vay hiéu phan thyc va phan 4o clia s6 phiic z 1a 0.
Chon dap an @ O

Cau 1251. Cho s6 phitc z théa man |z — 3 — 4i| = /5. Goi M va m la gia tri 16n nhat va gia tri
nhé nhat clia biéu thitc P = |z + 2|?> — |z — i|>. Tinh mo-dun ctia s6 phtic w = M + mi.
A. Jw| = v/2315. B. |jw| = v/1258. C. |w| = 3V137. D. |w| = 2v/309.
Loi giai.
bat z =z +yi v6i z,y € R.
Taco P=(z+2)0*+y*—[22+ (y— 1)} =4z + 2y + 3.
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Mit khac [z —3 —4i| = V5 & (2 —3)? + (y — 4)? = 5.

Dit o =3+ /5sint vay = 4 ++/5cost théa (z — 3)% + (y — 4)? = 5.
Suy ra P = 4y/5sint + 2v/5 cost + 23.

Xét ham s6 f(t) = 4v/5sint + 2v/5 cost.

Chia ca hai vé cho \/<4\/5)2 + (2\/5)2 =10 ta cb

f(t) _2v5 V5

f(t) = 4V5sint + 2v5cost < 0 = Tsint+ ?cost.
2v/5
COSU = ——
Dat ta co
. V5
sinu = —
)
t t
% = cosusint 4+ sinucost < % = sin(t + u)
Suy ra
t
_1§%¥§1:»40§ﬂﬂguh$B§P§3&

Vay M = max P = 33 va m = min P = 13.
Khi d6 w = 33 + 13i. Do d6 |w| = v/33% + 132 = /1258.

Chon dap an O

~ N ~ 32 -2 .x > £ P (2_3i)(4_i) ~ o 2
Cau 1252. Tim toa do diem biéu dién ctia so phiic z = 312 trén mat phang Oxy.

i

A (—1;-4). B. (1;4). C. (1;,-4). D. (—1;4).
Lo giai.
Ta ¢6 » — (2—32)(4.—2) _5-— 14@ _ (5 —144)(3 — 2i) _ 1352 {4

. 3+ 2 3+ 2 13 13
Do d6 diém biéu dién ctia s6 phtic z tréen mat phang Ozy c6 toa do (—1; —4).
Chon déap an @ OJ
Cau 1253. Cho s6 phtic z = a+bi (a,b € R) théa man z+ 1+ 3i — |z|i = 0. Tinh S = a + 3b.
7 7

A.S:§. B. S=-5. C. S=5. D.S:—g.

Lo giai.

Tacoz+1+3i—|2[i=0a+bi+1+3i—iva?+b2=0

a+1=0
Sa+1+0b0+3-Va2+b?)i=0<
b+3=at0?
a=-1 a=—1
= b> -3 & 4 = S =-5.
(b+3)2=1+1b? -3
Chon dap an O
Cau 1254. Cho s6 phiic z = (1 + 3¢)(4 — i), phan thuc ctia z bang bao nhieu?
A 4 B. 1. C. 11. D. 7.
Loi giai.

Tacoz=(1+3i)(4—1i)=T7+ 114
Vay phan thyc ctia z bang 7.
Chon dap an @ O
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Cau 1255. Trong céc s6 phiic (1+4)*,(1+14)°, (1 +14)°, (1 +4)"° s6 phitc nao la s6 thue?
A (1+14)° B. (1+1)°. C. (1+4)". D. (1+1)"
L&i giai.
Taco (1+14)° =1+ 2i+14° = 2i.
Do d6 (1 +14)* = (1+14)* = (2i)? = —4 la mot s6 thue.
Chon dap an @ 0
Cau 1256. Cho s6 phiic z théa man |z| = /5 va s6 phiic w = (1 + 2i) - Z. Tim |w)|.
A. V5. B. 5. C. 2v/5. D. 4.
Lai giai.
Ta c6 |w| = |(1+2i)-2| = |1 +2i|-|2| = V5- V5 =5.

Chon déap an OJ
Cau 1257. Riit gon tong sau S = CY — 3C215 + 32C5018 — 3°CSyp + - - — 31009C2018
A5 =217 B. § = 2218, C. § = 2207 D. § = —2208

Loi giai.
Ta 6 (1 + 2)?918 = CY15 + Clois® + Co152% + - - - + CR1322018 (1).
Mit khéc (1 — 2)*"® = Cy 5 — Chg187 + C3152° — - - - + C152>™° (2).
Cong (1) va (2) ta dugc:
(1+ x)%ls +(1 - x)2018 (C(2]018 + C201833 +o Tt ngigxmls) (3)-
Thay = = iv/3 vao (3) ta dugc:
(1 + i\/§)2018 + (1 . i\/§)2018 — 929 (4)
Cach 1:
Ma (14iv3)% = (1 —iv3)? = =8 = (1 +iv/3)?16 = (1 — 41/3)%016 = (—8)572,
Suy ra, (1 + i\/§)2018 + (1 _ i\/§)2018

= (=8) (1 +4v3)* + (1 —iV3)?)

— (—8)672 % (_4) — _22018 (5)
T (4) va (5) suy ra: S = —22017,

Cach 2: 2018 2018
T T
(1+2\/_)—2<cosg+@s1ng> 1+Z\/_)2018—22018< -+ ¢sin 3 )
Ta co
(1-— 2\/_) =2 (cos% —¢sin g) 3)2018 — 92018 (cos 2018 - i sin 2018 - W)
3
(1 +Z\/_)2018 22018( 3 >
=
(1 . Z\/§>2018 22018 1 i —Z
2 2
2018
T (4) va (5) suy ra: S = — 5= — 22017,
Chon dap an @ O

Cau 1258. Cho hai s6 phiic z; = 2+ 34, 2o = —3 — 5i. Tinh tong phan thuc va phan 4o ciia s6 phiic
W = 21 + 29.
A. 3. B. 0. C. —-1-2i. D. -3.
Loi giai.
Ta c6 w = —1 — 24, nén tong phan thuc va phan 4o clia w 1a —3.
Chon dap an @ O
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Cau 1259. Cho s6 phiic z thoa man z+4%z = 7+i(z—7). Khi d6, mo-dun clia z bang bao nhiéu?
A |z] =5. B. 2| = V3. C. |z| = V5. D. |z| =3.
Lo gii.
bat z=z+yi=2z=2—yi.
Taco: z2+4z2=T+i(z-7) & (v +yi)+4(z—yi) =T+i(zx+yi - 7)
, ) Sbr="T7—y ox+y=17 r=1
Sbr—3yi=T—y+(x—-T)i< & &
—Jy=x—-7 r+3y="7 y=2
= 2=1+4+2i= |z| =12 + 22 = /5.
Chon dép an (C) O

Cau 1260. Ki hi¢u a, b lan lugt 1a phan thyc va phan 4o clia s6 phiic z = (1 — 7). Khang dinh nao

sau day la diung?

Ala=1,b= -1 B.a=10=1. C.a=1b=1. D.a=1b=—i.
Lai giai.
Tacoz=1+isuyraa=1b=1.
Chon dap én OJ
Cau 1261. Cho cac s6 phiic z,w khéc 0 va théa man: |z — w| = 2|z| = |w|. Tim phan thyc cia s
phiic u = z.
p Y 1 1
A ——. B. -. C. 1 D. —-.
8 4 8
Loi giai.
N, 2 P z .| % 1
T gia thiet suyra‘——l‘zlva‘—):—. (%)
w w 2
; (=12 +y" =1
bat — = x + yi, ta ¢6 (x) tuong duong véi 1
w 2?4y = T

1
Trit phuong trinh duéi cho phuong trinh trén ta duge x = 3
Chon dap an @ 0

Cau 1262. Cho cac s6 phtic z théa man |z — 1| = 2. Biét riang tap hgp cac diém bicu dién cac s6
phtc w = (1 + \/gz) z + 2 la mot duong tron. Tinh ban kinh R cta dusng tron do.

A. R=4. B. R =16. C. R=8. D. R=2.
Lo giai.
Ta cow—2 = (14+3i)z & w_2_:z<:> w_2‘—1:z—1:>L_\,/§Z:|z—l\
1++/3i 1++/3i 1+/3i
S lw—3—3i| =]z —1]- |1+ 3i| = 4
T do suy ra ban kinh R = 4.
Chon dap én@ O
Cau 1263. Trong tap sb phtic, khing dinh nao sau day la ding?
A zi+zm =7+ B. 2+ 7 la s6 thuan 4o.
C. |21 + 22| = |21] + |22]- D. 22 — (2)* = 4ab véi z = a + bi.
Lo giai.

G(_)i 21 :a1+b1i va z9 :a2+b2i, v6i CLhag,bl,bQ € R. Khi d6 z1 + 29 :a1+a2+(b1—|—b2) 1.
Do do 21+22:a1+a2—(bl—i-bg)i:al—b1i+a2—b2i:z_1+z_2.
Chondépén@ O
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Cau 1264. Cho s6 phiic z thda méan |z| = 2. Biét ring tap hop tat ca cac diém biéu dién s phiic
w=3—2i+ (2 —1i)z 1a mot duong tron ban kinh r. Tinh 7.

A r=T1T. B. r = 20. C. r =25. D. r=/7.
Lai giai. |
Tacéw:3—21+(2—i)z<:>z:%.

lw — 3 + 24| |w — 3+ 2

= 2= = |w — 3+ 2i| = 21/5.
2 v |
Do d6 tap hgp cac diém biéu dién s6 phitc w la duong tron tam I(3; —2), ban kinh r = 24/5.

Chon dap an @ O

Suy ra = |z| =

Cau 1265. Tap hop tat ca cac diém bicu dién s6 phiic 2z théa man [z + 2 —i| = 4 1 dudng tron tam
I c6 ban kinh R lan luct 1a
A I(-2,-1;R=4. B.I(-2,-1);R=2. C.I(2;-1);R=4. D. I(2;-1); R =2.
Loi giai.
Goi z =a+ bi, v6i a,b € R. Suy ra Z = a — bi.
Taco|z+2—i| =4 (a+2)*+(-b—-1)*= 16<:>(a—i-2)2 (b+1)? = 16.
Vay tap hop diém biéu dién s6 phiic 14 dudng tron tam I(—2; —1), ban kinh R = 4.
Chon dap an @ O

Cau 1266. Cho sb phtic z, biét ring cac diém biéu dién hinh hoc ciia cac s6 phiic z;iz v 2 + iz tao
thanh mot tam giac c6 dién tich bang 18. Tinh mo-dun cta s6 phic 2.

A. 23 B. 3v2. C. 6. D. 9.
Loi giai.
Gia stt z = a + bi, v6i a, b 1a s6 thuc. Goi M, N, P lan lugt 1a diém biéu dién s6 phtc z,iz va z + iz.
Khi d6 M (a;b); N(=b;a); P(a — b;a +b). Suy ra MN = /2(a® + b2); NP = PM = v/a + V2.
Suy ra tam giac M N P vudng can tai P.
TacéSAMNp:18@%-NP-PM:18<:)a2+b2=36<:>|z|:\/m:&
Chon dap an @ O

Cau 1267. Cho sb phiic z = a+bi (trong d6 a, b 1a cac s6 thyc) théa man 3z — (4+5i)z = —17+114.
Tinh ab.

A. ab=6. B. ab = -3. C. ab=3. D. ab = —6.
Loi giai.
Ta ¢6 3z — (44 5i)Z = =17+ 11i < 3(a + bi) — (4 4 5i)( a—bz = —17+112
—a—>5b=—
& —a—bb+ (=hba+Tb)i=—-17+11i & :>ab:6.
—5a+T7b=11
Chon déap an @ OJ
Cau 1268. C6 bao nhieu s6 phiic z théa mén |z| = |z + z| = 17
A. 0. B. 1. C. 4. D. 3.
Lo gidi.

bat z=a+bi v6i a,b € R, ta c6 z =a — bi. T do:

a®+ b =1 b==+—

“[%

|z|:\z—|—§|:1<:>{ & ]
|2a|:1 a:ié
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Do dé c6 4 s6 phitc théa man.

Chon dap an @ O
Cau 1269. Tap hop diém biéu dién s6 phiic z théa man 2|z — 1| = |z 4+ Z + 2| trén mit phang toa
do la mot

A. duong thing. B. duong tron. C. parabol. D. hypebol.
Lo giai.

bat z =z +yi véiz,y € R, tacé z =x — yi. T do:

2z -1 =|z+2+2| < 2|(z — 1)+ yi| = |22 + 2|
& \(@—-12+y2=v+1] & y® =4

Nén tap hgp diém biéu dién s6 phitc 2z thda man 2|z — 1| = |z + z + 2| trén mat phang toa do 13 mot

parabol.
Chon dap an @ O
Cau 1270. Phan thyc va phan 4o ctia s6 phtic z = (1 + 24) ¢ lan lugt 1a
A 1va2 B. —2val. C. 1va-—2. D. 2val.
Loi giai.

Ta c6 z = (1 +2i)i = —2 + i. Do d6 phan thyc va phan 4o clia s6 phiic 2 lan lugt 13 —2 va 1.
Chon dap an OJ

Cau 1271. Cho s6 phtic thoa |z| = 3. Biét ring tap hgp s6 phiic w = z + 4 1a mot duong tron. Tim
tam cua duong tron do.
A. I(0;1). B. 1(0;—-1). C. I(-1;0). D. I(1;0).
Loi giai.
bat w =z 4+ yi, (z,y € R).
Tacow=z+irtyi=z2+ioz=c+y—1)iscz=c+ (1 —y).
Theo dé 2| =3 2?+ (1—y)?’ =922+ (y—1)* =09.
Vay tap hop s6 phitc w = z + 4 la duong tron tam 7(0;1).
Chon dap an @ O

Cau 1272. Cho s6 phtic z théa man diéu kién (1 + ¢)(z — i) + 22 = 2i. Mo-dun ctia s6 phiic

zZ—2z41
w=———1a

A. V/10. B. V8. C. —/10. D. —/8.
Li giai.

Taco (1+i)(z—i)+2:=2i< (3+i)z=—1+3i & 2z=1.
Z—2241 —i—2i+1
2 o 72

Suy ra w = =—1+ 3.
z

Vay |w| = v/10.
Chon déap an @ OJ

]

Cau 1273. Cho s6 phitic z théa man 3z + (1 4+ i)z = 1 — 5i. Tim mo-dun clia 2.
A. |z| =5. B. |z| = V5. C. |z| = V13. D. |z| = v/10.

L&i giai.
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Goi z = a + bi (a,b € R). Thay vao phuong trinh ta dugc:
3(a—bi) + (1 +4)(a+bi) =1—5i < (4a — b) + (a — 2b) = 1 — 5i

da—b=1 a=1
& { @{b = z=1+3i=|z| = V10.
) =3

a—2b=—
Chon dap an @ O
Cau 1274. Cho z = 3 — 2i. Tim phan 4o ctia s6 phtic w = (1 + 2i)z.
A —4. B. 7 C. 4. D. 4i.
Lo gii.

Ta cow = (1+2i)z = (1+2i)(3 —2i) =7+ 4.
Tit day ta suy ra phan 4o ctia s6 phiic w bang 4.
Chon dap an @ O

Cau 1275. Cho s6 phitc z thda man z(1 4 2i) —Z(2 — 3i) = —4 + 12i. Tim toa do diém M biéu dién
sO phic z.

A. M(3;1). B. M(3;-1). C. M(-1;3). D. M(1;3).
Loi giai.
bat z =a+bija, 0 eRsuyraz=a—I
Tu gid thiét ta co
(a+bi)(1+2i) — (a—bi)(2—3i) = -4+ 12i & (—a+b) + (ba + 3b)i = —4 + 12¢

{ —a+b=—-4 {a =3
= 4 .

5a + 3b = 12 b=—-1

Vay toa do diém M biéu dién s6 phiic z 1a M(3; —1).
Chon dap an O

Cau 1276. Cho cac s6 phiic 21, z; théa man phuong trinh |z — 2 — 3i| = 5 va |2; — 23| = 6. Biét tap
hop cac diém M biéu dién sb phitc w = z; + 25 14 mot duong tron. Tinh ban kinh dudng tron dé

A. R=38. B. R=4. C. R=2V2. D. R=2.
Loi giai.
Goi A, B lan luot 1a diém biéu dién céc sé phic 21, 2o y
= A, B e (C) c6 tam I(2;3) va R = 5.
Tacé‘I_A)‘:’I_B)‘:5;’14—B)‘:’O—B)—(74)):|21—22]:6 M
Goi H la trung diém AB ta c6 IH = \/ [A? — A4Bz = 4. B
Vay H thuoc duong tron I ban kinh R, = 4.
Ta 6w =2 + 20 = OM = OA + OB = 20H = OM = 20H.
Vay M la anh ctia H qua phép vi tu tam O ty s6 k = 2. O A
Vay tap hop M la duong tron ban kinh R = kR; = 8. \\/ r
Chon dap an @ O
Cau 1277. Cho s6 phiic z = a+bi (a,b € R) théa man (1 +1i)z+2z = 3+ 2i. Tinh P = a +b.
A P=1 B. P=-1. C.P:—%. D.P:%.
Loi giai.

Suu tam € bién soan Th.s Nguyén Chin Em 320 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Ta co

(14+d)z2+22=3+2i
& (I+id)(a+bi)+2(a—bi) =3+2i
&S a+bi+at—b+2a—20i =3+ 21
< 3a—b+(a—b)i=3+2i

3a—b=3
4
a—b=2
1
a==
N 2
T
5
Vay P=a+b= —1.
Chon dap an (B) O
Cau 1278. Tim s6 phiic lien hgp ctia s6 phiic z, biét: 4z + (2 + 34)(1 — 2i) = 4 + 3i
5 ) 5
A.E:—l—zi. B.EZl—Zi. C.fz—l-i-zi. D.z=-1-u
Loi giai.
2+ 243i)(1-2i) =443ie42+8—i=4+43iecdr=—-4+4diecz=—-1+i Vayz=—-1—1.
Chondépén@ OJ

Cau 1279. Trong mit phéng phiic, tap hgp diém biéu dién cho sd phitc z thoéa |z + 4 — 3i| < 2
1a

A. Hinh tron tam I(—4;3), ban kinh R = 4. B. Hinh tron tam (4; —3), ban kinh R = 4.

C. Hinh tron tam /(4; —3), ban kinh R = 2. D. Hinh tron tam I(—4;3), ban kinh R = 2.
Loi gidi.
Dit z = z+yi, (r,y € R). Taco: [z+4-3i| <2 /(v + 42 + (y — 3)? < 2 & (z+4)*+(y—3)? < 4.
Vay tap hop diém bicu dién s6 phitc z 1a diém cach diém I(—4;3) mot khodng bé hon hosic biang 2
hay tap hop diém biéu dién 14 hinh tron tam I(—4;3), ban kinh R = 2.
Chon dap an @ O

Cau 1280. Trong mat phang toa do Ozy, tap hop diém bicu dién s6 phiic z thda man |iz—2i+1| = 2
la duong tron c6 toa do tam la
A (2;1). B. (2;-1). C. (-2;-1). D. (=2;1).
Loi gidi.
Goi s6 phiic z =z + yi; (z,y € R).
Taco: liz—2i+1=2&|1-y)+(z—-2)i| =2 (z—2)* + (y — 1)? = 4.
Tap hop diém biéu dién s6 phiic z 1 dudng tron c6 toa do tam la (2;1).
Chon dap an @ O

Cau 1281. Xét cac sd phiic z théoa man (Z — 2i) (z + 3) 1a mot s6 thuan do. Trén mat phang toa

do, tap hop tat ca cac diém biéu dién céc sé phitc z la mot phuong trinh duong tron cé ban kinh

bang
11 1
A VI3 B. ViL. c g D. @
Laoi giai.
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Goi z =z +vyi (z,y €R). Tacod (Z—2i) (z+3) =2* +y* + 3z + 2y — (22 + 3y + 6)i.
Theo gia thiét ta c6 tap hop tat ca cac diém biéu dién cac sb6 phic z 1a mot duong tron c6 phuong
V13
5
Chon dap én (D) O

trinh 1a 22 + % + 32 + 2y = 0. Vay ban kinh ctia duong tron 13 R =

Cau 1282. Xét cac s6 phic z théa man (z + 2i + 1) (z + 3¢) la s6 thuan 4o, biét rang tap hop cac

diém biéu dién sb6 phic z 1a mot dudng tron. Tam ctia duong tron dé 1a:

11 1 1 1 1 11

A. (—; —). B. <—; ——). C. <——; ——). D. (——; —>.

22 2" 2 2" 2 272
Loi giai.
Goi s6 phtic z ¢6 dang z = x + yi.
Theo gia thiét ta co:

(242i4+1)(z+31) = (r+yi+20+1)(x—yi+ 30)
= (P+2—-6+y"—y)+ (Br+3—y)i

Ma (z 4 2i + 1) (z + 3¢) 12 mot s6 thuan 4o nén phan thyc bang 0.

Suy ra
2 +r—6+y°—y=0
o rre b (rored) -
1) T\ YT T
- < +1)2+( 1)2 13
T+ = —=] =—.
2 Y7o 2
.2 .2 o= £ . N ~ N N ~ ~ < 1 1
Vay diém bieu dién so phtc z la mot duong tron c¢6 tam la (—5; 5)
ChQHdépéH@ O

Cau 1283. Cho sb phiic z théa man |z + 2 — i| = 3. Tap hop céc diém trong mat phang Ozy bicu
dién s6 phitc w =1+ 7 la
A. Dudng tron tam I(—2;1) ban kinh R =3.  B. Dudng tron tam [(2; —1) ban kinh R = 3.
C. Duong tron tam I(—1; —1) ban kinh R =9. D. Dudng tron tam I(—1; —1) bén kinh R = 3.
Loi giai.
Tiw=14+z=w=1+z=z2z=w—1.
Thé vao |z + 2 — i| = 3 ta dugc

w+l—i=3&w+1—i=3&w+1+i|=3.

Vay tap hop cac diém biéu dién s6 phitc w 1a duong tron tam I(—1; —1), ban kinh R = 3.

Chon dap an @ O
Cau 1284. C6 bao nhiéu s6 phiic z théa méan 2% + 2|z| =0 ?

Al B. 4. C. 2. D. 3.
Lai giai.

Giastz=x+yi, x, y R
-y a2+ y? =0
=

Theo gia thiét 22 + 2|z] = 0 & (v +yi)? + /22 +y2 = 0 & {
20y =0
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[ (z=0
{ NGY
lyl —y* =0

y=20
_{x2+|x| =0. @

x =0
x=0
Giai he (1) ta dugc [|y\ —0 &
y=-1
lyl =
x=0
_{y =1
Tr =
Giai he (2) ta duge
y = 0.
Vay c6 3 s6 phiic théa man bai todn 1a 2 =0, 2 =4, z = —i.
Chon dap an @ O
Cau 1285. Tim céc 6 thuc a va b théa man a + (b — )i = 1 + 3i v6i ¢ 1a don vi do.
Aa=-2b=3. B.a=10=3. C.a=2b=4. D.a=0,b=3.
Loi giai.

a+1=1 a=20
Tacéra+(b—i)i=1+3ica+1+bi=143i< &=
b=3 .

Chon dép an (D) O
Cau 1286. Tap hgp tat ca cac diém biéu dién s6 phiic z = x +yi (z;y € R) thoa man |z —i| =4 1a
duong cong ¢6 phuong trinh

A (z—12+y*=4 B.2°+(@y—-1?*=4 C.(z—-12+y*=16. D. 2>+ (y —1)>=16.
Lo giai.

Taco |z —i|=4lztyi—il=4e /2 + (y—1)2 =4 2>+ (y — 1)? = 16.

Chon déap an @ O
Cau 1287. C6 bao nhiéu sb phiic z théa man |z|° = 2|z +Z| +4 va [z — 1 — 4| = |z — 3 + 3i|?

A 4. B. 3. C. 1. D. 2.
Loi giai.

Goi z =z +yi (z;y € R).

2 2

4y —4dr—4=0,2>0 (1

2P =224z +d e+ =4|z|+4 & W
P4yt +dr—4=0,1<0 (2).

Theo dé ta c6
lz—1—il=]2=3+3i] & (z—12+(@y—1)°=(@—-3)>+(y+3)’
& 4z =8y + 16
< r=2y+4 (3).

+ Thay (3) vao (1) ta duge

2 24
y:5:>x:€(nhan)

y=—2=x =0 (nhan).

Qu+42+1> 42y +4) —4=05 +8y—-4=0s
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+ Thay (3) vao (2) ta duge

y=—2= 2 =0 (loai)
(2u+4)>2+ 1> +42y+4) —4=05y° +24y +28 =0 = 14

8
y = = == . (nhan).

Vay c¢6 3 s6 phiic thoa dicu kien.

Chon dap én O
1+ 3
1—2i

Cau 1288. Cho s6 phiic z = a+ bi (a,b € R) théa man a + (b—1)i = Gia tri ndo dudi day

& mo-dun cua 2?7
A. 5. B. 1. C. V10. D. /5.

L&i giai.

1432 a=—1
Tacé6a+ (b—1)i = 1—1—22 a+(b—1)i:—1—|—i¢>{

— 27
Vay mo-dun cia z la V5.
Chondépén@ O
2—31
1+i°

B. |z| = V34 C. |z| =

Cau 1289. Tinh modun ciia s6 phitc z biét z + 1 =

V34
o

‘&y
(@)
‘Q‘
W~

A |z =
Loi giai.
2—3 _ 3 5. 3 5. v 34

5

Z+1= SZ=———Zi=2z=—+-i=|z2|=

141 2 2 2 2
Chondépén@ O

Cau 1290. Cho s6 phiic z théa man (1 + 3i)z — 5 = 7. Ménh dé nao dudi day ding?
A 13+4 B +13 4 C oz_ 13 4. D 13+4
=t =t i E= oo il =il

143 5 5 5 5"
Chon dap an @ U
Cau 1291. Tap hop tat ca cac diém biéu dién s6 phiic 2z thda man |2z —i| = 4 13 mot dudng tron
c6 ban kinh bang

A. 2V2. B. 4V2. C. 4. D. 2.
Lo gii.
Goi M(z;y) 1a diém biéu dién ctia sé phitc z = = + yi véi z, y € R.

1 2
Khi d6 yzz—z'|:4@12x+2yz'—z'y:4@4x2+(2y—1)2:16@x2+(y—§) =4.

Vay tap hop diém can tim 1l mot duong tron ¢6 ban kinh R = 2.

Chon dap an @ 0
Cau 1292. Cho s6 phitic z théa man z(2 —4) + 13 = 1. Tinh mo-dun ctia s6 phiic 2.
A |2 =34 B. |2| = V3L C. |2 = @ D. |2 = %3_4
Loi gii.
1—-13:

Tacéz(Q—i)+13i:1<:>z: 5 .
—1

132| V14 (—=13)2 _ V3

\2—7L\ 2+(—1)2

Suy ra |z| =
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Chon dap an @
5+iV3

Cau 1293. Goi S 1a tap hop céac so6 phiic z théa méan z —

phan tit clia S bang ’
A 1. B. 1—2V/3i. C. —3 —2V/3i. D. 1 —/3i.
L&i giai.
Goi z =a+bi, (a,b €R) vaa® + b*> #£0.
Ta co

_ 5—iV3

= S1=0 < a—bz’—5+“/§—

z a+ bi
s a2+ —5—iV3—a—bi=0

& (®+0—a-5)—(b+v3)i=0

1=0

A+ —a—-5=0 a?—a—2=0
p=— =
b+v3=0 b=—V3 {

z=—-1—1iV3 ) .
9 iV3 :>S:{—1—Z\/§;2—Z\/§}.

Khi dé téng gia tri cAc phan tit cta S 1a 1 — 2v/3i.
Chon dap an

Cau 1294. Cho hai s6 phiic 2 = a + bi va 2/ = @’ + b'i. S6 phiic i/ c6 phan thue 1a
z

Suy ra

aa’ + bb aa’ + by C a-+a 200’
S a? 0% a? + b Ca?+ b Ca? 0%
Loi giai.
oz a+bi (a+bi)(d =Vi) ad +b0 a'b—al
Ta co - == - = = 7.
z a + b/'l a/2 + b/2 a/Q + b/Q a/2 + b/2

aa’ + b

P PN P 2N
Do dé phan thyc cta = bang PR

Chon dap an @

Cau 1295. C6 bao nhiéu s6 phitc 2z théa méan |z + 2+ 3i| =5 va

A. 0. B. Vo sb. C. 2. D. 1.
Lai giai.
Dit 2 = z + iy, (z,y € R). Diéu kien z # 2
Taco|z4+2+3i| =5 (x+2)*+ (y+3)* =25 & 2> + y* + 4o + 6y = 12.

Z ~ A X ?
5 1& so thuan 40?

x4y 2 —2x4y —2ui
z2—2 x-24+yi (—22+y2 (z—2)2+y*
. N 22 2
Vizlés@thuanéonénu:0@$2—2x+y220.
(= 2)% + 42
r=1
T (1) va (2) suyrax +y =2 =y =2 — x. Thay vao (1) ta dugc 2? — 6r +4 =0 &
r =2

Véizr=1=y=1=2=1+1.
Véiz=2=y=0= z=2 (loai).

Vay c¢6 mot sd phiic z thda man de.

O

— 1 =0. Tong gia tri tat ca céc
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Chon dép an (D) O
Cau 1296. C6 bao nhieu s6 phiic z thdéa man |z + 2 + 3i| = 5 va - 5 1a 86 thuan 4o.
A. 0. B. vo sb. C. 2. D. 1.
Lo gii.
Xét s6 phiic z = z + yi, (v, y € R). Diéu kién z # 2.
Taco|z+2+3i|=5< (r+2)?+ (y+3)* =25 & 22 + y* + 4o + 6y = 12. (1)
.z x + i (x+yi)(r—2—yi) a*—2z+y*—2yi
Ta co = . = -
z—2 x—2+uyi (x —2)2 +y? (x —2)2 +y?
Vi la 86 thuan 4o nén 22 — 2z + y> = 0 (2)
Z_
r=1
T (1) va (2) c6 1 +y =2 = y =2 — x. Thay vao (1) dugc 22° — 6x +4 =0 &
r=2
Véix=1tacoy=1,tuwtdécod z=1+1.
V6i z =2 tacoy =0, ti do c6 z = 2 (loai).
Chon dap én@ O
Cau 1297. Cho s6 phiic z théa man diéu kien (2—14)z = (4+1i)z + 3 — 2i. Gid tri cta [4z7+1| 1a
A. v26. B. v30. C. v1T. D. v15.
Loi giai.
1 5
Ta c6 (Q—i)z:(4—|—z’)z—1—3—2i<:)z(—2—2i):3—2i(:>z:—1+1i.
1 5
Do d6 |47 + i| = '4 <_Z . Zi) 4| = |-1— 4i| = VIT.
Chon dap én@ O
) 5413 . )
Cau 1298. Goi S la tap hgp cac so phic z thdéa man z — Tiv3 — 1 = 0. Tinh tong tat ca cac
z
phan tit cia S
A 1-23i. B. -3 —2V/3i. C. 1 D. 1 -3
Loi giai.
Goiz=a+bi (a,b€eR).
54iv3
z— +Z\/_—1:0<:>a2+62—a—bi:5+i\/§
z
a=—1
>+ —a=5 a>—a—-2=0 5
= = = a =
b=—3 b=—3
b=—-V3
Vay 21 = —1 —iv/3 v 2o = 2 — i/3.
Suyra z; + 2 =1— 24/3i.
Chon dap én@ O
Cau 1299. Cho s6 phiic z théa man (1 + 3i)z — 5 = 7i. Ménh dé nao sau day dung?
Ao B4 B 1B 4 c .. 13 4 N
L Z=——+ i L EZ=—— — =i, LZ=——+ =i, L Z=— 4+ i
5) ) 5) ) ) 5) ) 5)
Loi gii.
o+ T 13 4 13 4
Taco (14+3i)z—b=Tisz= 113; zg—gi:>§:€+gi.
Chon dép an (D) O

Cau 1300. Cho s6 phtic z = a + bi (a,b € R). Dudi day ¢6 bao nhieu ménh dé diang?
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I. Mo-dun ctia z 13 mot s6 thyc duong. I1. 2% = |z]
L. |z| = |iz| = |2|. IV. Diém M (—a;b) biéu dién s6 phiic z.
A. 3. B. 2. C. 1 D. 4.

Loi giai.

Meénh dé I sai, cu thé mo-dun ciia s6 0 bang 0 chit khong phai 1a s6 thuce duong.
Ménh dé II sai vi |z|? 1a s6 thuc, 2% c6 thé khong 1a s6 thic, chang han (1 4 )% # |1 + 4|2
Menh dé IIT dang vi |iz| = |i| - |2] = |z] = |7|.

Menh dé IV sai va diém biéu dién ctia z 1 (a; —b).

Chon dap én@ O
Cau 1301. Cho s6 phtic z thod man (1 — \/52)2 2 = 3 — 4i. Mo-dun cia z bang
5 5 2 4
A —. B. —-. C. -. e
4 2 5 5
Loi giai.
Ta co
3— 41 —-3+4v3 4+3V3
(1-v3i)'z=3-4ie:= S V3 4433,
(1-V3i) 8 8
Vay mo-dun cia z la
ol = ~3+4v/3 2+ 4+3v3\" 5
B 8 8 4
Chon dap én@ 0

Cau 1302. Cho s6 phtic z thda man phuong trinh (3 + 2i)z + (2 —4)? = 4 + 4. Tim toa do diém M

biéu dién s6 phic z.

A M(—1;1). B. M(-1;-1). C. M(1;1). D. M(1;-1).
Li giai.
dti—(2-i)
Taco: (342)z+(2—i)=4+isz= +23+(2Z,) D st
Vay diém biéu dién cho sb phitc z 1a M (1;1).
Chon dap én@ O

Cau 1303. Cho sb phiic z = 1 + 27 + 3i% + 4433 + - - - + 201872°17 ¢6 phan thuc 1a a va phan 4o 1a b.
Tinh b — a.
A 1. B. —1. C. 1010. D. —2017.

Loi giai.

$2019_1
Véiz#1tacol+az+a?+- -+ 228 = T Suy ra
l’_

201822019 — 201922018 + 1
1427 + 322 +42° + - - - + 201822017 = x 72018

(r —1)2
2 1 -2019 _2 1 -2018 1
Do d6 2 = 1 4+ 2 4+ 3 4+ 4% + - + 20182017 — 20180 ( 01)22 1009 + 10104,
x —
Vay b —a = 1.
Chon dap an @ O
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Cau 1304. Cho s6 phiic z khac 0. Khing dinh nao sau day sai?

z . R ) , .
A. — 1a so thuan 4o. B. z — Zz 1a s0 4o. C. z-%Z 1a so thuec. D. z + 7 1a s6 thuec.

Z

Loi giai.

bat z = a+bi(a,b € R).
z 22 22 a®? —b% +2abi  a®—b? 2ab

Tach = = —— = —— = = + i, (a®>+b* #£0).
z z-z |z]? a?+b? a4+ a?+? ( 70)

a2—b2:() z B R
— = — la s0 thuan ao.
a+4£0  Z

a> —b*#0
— =
a’+b* £0

- ~ . z ~ S X d N .
Do d6 nhan dinh — 1a s6 thuan 4o 1a sai.
Z

khong 1a s6 thuan &o.

INNIRN

Ta c6: z -z = |z|*> = a® + b? 13 mot s6 thuc nén nén nhan dinh 2 -z 14 s6 thuye 1a dang.
Ta c6: z +Z = 2a 1a s6 thic nén nhan dinh z + 7 14 s6 thuc 1a dang.

Ta c6: z —Z = 2bi 1a s6 4o nén nhan dinh 2 — 7z 1a s6 4o 1a ding.

Chon déap an @ OJ
1 1
Cau 1305. Goi 21, 2 1a hai nghiém phiic ctia phuong trinh 222 — 3z +4 = 0. Tinh w = — + — +
z z
ileg. ! ?
3 3 3 3
A.w:—z—i-Qz'. B.w:Z—l—%. C.w:2+§i. D.w:§+2i.
Loi giai.
3
: : : A1tz =g
Theo dinh li Viete, ta ¢6 Khi dé 2. Suy ra
Z1%29 — 2
1 1 . 21+ 29 . 3 .
wW=—+—+12120 = +Z2122:—+22.
21 2 21722 4
Chon dap an O
2 2 2 ~ Z 2 z ]_ —1
Cau 1306. Trong mat phang Oxy, goi M la diem biéu dién s6 phic w = % trong do z
22414

1a 56 phiic théa man (1—14)(z—14) = 2—i+z. Goi N la diém trong mat phang sao cho (O—x), 5ﬁ) = 20,
trong d6 ¢ = ((TU), OM) 1a goc lugng giac tao thanh khi quay tia Oz t6i vi trf tia OM. Diém N nam

trong géc phan tu nao?

A. Géc phan tu thi (IV). B. Goc phan tu tht (T).
C. Goc phan tu tha (IT). D. Goc phan tu thu (II1).
Lo gii.
7 19 7 9 19

Taco (1—i)(z—i)=2—i+z= :3i>:?"———f$M<“ﬂ——>$t =

aco (1 —i)(z—1) itz=>2=3i=>w % 5 55 83 any = -

2t 133 1 — tan? 156

Suyrasin2<p:ﬂ——vacos2cp: i

1 +tan®?p 205 1+tan2g0__ﬁ'

Vay N thuoc goc phan tu tha (I1).
Chon dap an @ O

Cau 1307. Cho s6 phiic z théa méan (2 + 3i)z = z — 1. Mo-dun ctia Z bang

1 V10
A —. B. V10. C. 1. D. Y
10 0 10
L&i giai.
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Ta co
2+3)z=2-1(14+3)z=-12z= _1‘:_i+ii‘
1+ 3 10 10
Suy ra
_ \/ 1\2 (3\> V0
m=k=y () + () =5
Chondépén@ O

Cau 1308. Cho sb phitc z théa man |z +i| = 1. Biét rang tap hop cac diém biéu dién s6 phiic
w = (34 4i)z + 2 +i 1a mot dudng tron tam I. Diem I ¢6 toa do 1a

A. (6;-2). B. (6;2). C. (2;1). D. (=2;-1).
Loi giai.
Ta c6

(B4di)z+2+io w— —@<:> ny w—2—i+, w—6+ 2
w = i)z i ez=—%S2z+i=——+i=——.
3+ 41 3+ 4i 3+ 41
Lay mo-dun hai vé ta duge
: w—6+ 20 |w — 6+ 2 :
2+ ‘ 3+ 4i 13+ 4i] [w =6 +2i]
Vay tap hop cac diém biéu dién w 14 dudng tron tam I(6; —2), ban kinh r = 5.
Chon dap én@ O
L 2—3i)(4—1 )
Cau 1309. Viet so phic z = ( 32(2, ) duéi dang z = a + bi v6i a, b 1a cac so thuc. Tim
i

a, b.

Ala=-1;b=—4. B.a=1b0=—4. C.a=-1b=4. D.a=1b=4.
Lo giai.

2—31)(4—1 — 14s — 142 — 21 —13 — 52
Tacéz:( 31)(. 7,):5 ‘22(5 i) (3 z): 3 522_1_42,‘
342 3+ 2i 13 13

Do d6 diem biéu dién cho s6 phiic z ¢6 toa do (—1; —4).
Chon dap an (A) O
Cau 1310. Tim phan thyc ciia s6 phiic z théa man (5 — i)z = 7 — 17i.

A -2 B. 3. C. -3. D. 2.
Loi giai.

17 17 .
Tacoz— 100 TZIWEHD _y g
5—1 26

Phan thuc cua z 1a 2.
Chon dép an (D) O

Cau 1311. Cho s6 phiic z théa didu kien |z| = 10 va w = (6 + 8i) -z + (1 — 2i)2. Tap hgp diém biéu
dién cho s6 phic w 1a duong tron c6 tam 1a

A.I(-3;-4). B. 1(3;4). C. I(1;-2). D. I(6;38).
Lai giai.
Chi y: Tap hgp diém biéu dién clia s6 phitc 2 thoa |z — (a + bi)| = R 1a dudng tron tam I(a;b) ban
kinh R.
Déng thitc da cho tuong duong véi

wA3+4i=(6+8i)-%7=|w— (=3 —4i)| = |6+8i||z| = 10- 10 = 100.

Vay tap hop diém biéu dién cho s6 phitc w 13 dudng tron c6 tam la I(—3; —4).
Chon dap an @ O
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Cau 1312. Cho sb phiic z thay do6i thoa man |z — 1] = 2. Biét riang tap hgp cac s6 phiic w =
(1 +v/3i)z + 2 la dudng tron ¢6 ban kinh bing R. Tinh R.

A. R=28. B. R=2. C. R=16. D. R=4.
Laoi giai.
-2
Ta co z = v

1++/3i

Suy ra

|z—1|—2(:)‘ 1‘:2@(10—3—\/52':4.

1+\/_z

Vay tap hop diém biéu dién céc s6 phitc w 1a dudng tron tam 7(3;+/3), ban kinh R = 4.

Chon dap an @ 0
Cau 1313.
Trong mit phang phiic, cho sé phic z ¢6 diém biéu dién 1a M. Biét y
rang so phiic w = — dudgc biéu dién bsi mot trong bén diéem N, P, Q, [ Y
z S
R nhu hinh v& ben. Héi diém biéu dién ctia w la diém nao? S
A.N. B. P. C. Q. D. R. Pol s
N/ l T
O/\\ 1
./ o
Q R
Loi giai.
Viét z=1+bi, v6i b€ R, b > 0.
g 1 1 11— 1 b .
uy raw = — = = = — i
Y : 1+bi P4 140 1t .
Suy ra diém biéu dién cho w la diém c6 toa do m; ﬁ)
1 \? —b \? . 2
Do (1 T 62) + (W) =1 va b > 0 nén diém bieu dién cho w thuoc géc phan tu thi IV cia

mit phang toa do vi nam tréen duong tron tam O, ban kinh bing 1.
Vay diém biéu dién cho w 1a N.
Chon dap &n (A) O

Cau 1314. Cho s6 thyc a > 2 va goi 21, 2 1a hai nghiém phic ctia phuong trinh 22 — 2z + a = 0.

Meénh dé nao sau day sai?
A. 2+ 25 12 s6 thue.  B. 2z — 29 12 86 ao0. c. 2 + 2 1a s6 4o. D 2 + 2 1 sb thue.
Z9 21 Z2 21
Loi giai.
Xét phuong trinh 22 =2z +a=0c6 A'=1—a <0, Va > 2.
Do d6 phuong trinh cé hai nghiém phic la: 2y =14+ va — 17, 2 =1 — v/a — 1i. Khi d6 ta co
— 21+ 2m=14++va—-1i+1—+a—1i=2lasd thuc.

— 2z —2zm=14++vVa—1i—1+4++Va—1i =2va— 1i 1a s6 4o Va > 2.
zl+z2_1+\/a—1i+1—\/a—1i_4—2a
Z2 Z1_1—\/a—1z 1+\/a—1z‘_ a

la mot s6 thuc, Va > 2.

Vay ménh dé “ + 22 14 86 40" la sai.
Z9 Z1
Chon déap an @ O
Cau 1315. Cho cac s6 phiic 2y, 2o thda man |z;| = |z2| = V3 va |21 — 20| = 2. Tinh |z + 2.
A. 2. B. 3. C. V2. D. 2V/2.
Loi giai.
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Ta c6
zZ1 — ZQ|2 = (21 — ZQ) (2_1—2_2) == |21|2 + |22|2 — (212_2+ 2’22_1) =4 = 212_2+ 2’22_1 = 2.

21+ 2P = (21 + 2) B+ 2) = |2l + |2 + (2% + 27) = 8.

Vay |z1 + 22| = 2/2.
Chon dap an @ [l

21+ 29+ 23 = 0
Cau 1316. Cho 3 s6 phiic 21, 22, 23 thoa man 9\/3
21| = [22| = 28] = ——

3
Tinh A = |Zl + 22|2 + ’22 + 23‘2 + |Z3 + 21’2.

22 8 3
A —. B. 2v2. C. - D. -
3 V2 3 8
Loi giai.
21+ 2= —23
8
Ta co § 21 4+ 23 = —29 :>A:]—21|2+|—22]2+\—23\2:§.
Z9 — 23 — —21
Chon dap an @ O
. . . 1
Cau 1317. S0 phiic lien hgp ctia s6 phic z biet z = (1 +4)(3 — 24) + i la
i
T e P T
10 10 10 10 10 10 10 10
Lo giai.
Ta c6 2 5—|—'+3_i 53—|—9inén_ o3 9@'
— /3 = — —_ = — — —1.
10 10 10 10 10
Chon dap an @ O
Cau 1318. Cho s6 phiic z thoa man z(2 — i) + 13i = 1. Tinh mo-dun ctia s6 phtc z.
o9V 34 V34
A |z| = —3 B. |z| = 34. C. |z] = 3 D. |z| = v34.
Loi giai.
1—13:
Taco 2(2— )+ 18i=1= 2= — 2 3 5i. Do d6 |z = /37 1 (—5)2 = v/34.
—1
Chon dap an @ O

Cau 1319. Cho s6 phiic 2z théa man |z + 1| = 2. Biét rang tap hgp cac diém bicu dién céc s6 phiic
w = <1 + z\/g) z + 1 1la mot duong tron. Ban kinh r ctia dudng tron do la

A. 3. B. 6. C. 9. D. 36.
Loi giai.

_ w14 (VB—1)i

w
Tacow=(14+iV8)z+i<e 2= s z41
( ) 1+iv8 1+1iv8
w+1+(\/§—1)¢
Vilz 41| =2 nen —lz+1 @‘w—kl—l— V8—1 i‘:6. %
|2 +1] Y |2 +1] ( ) (+)

biat w = x + yi, (z,y € R). Thay vao (x) ta dugc
2
otyit1+(VE=1)i[=6 e |@+ 1)+ (y+vE-1)i|=6& @+ 1)+ (y+VE-1) =36

Vay r = 6.
Chon dap an O
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Cau 1320. Cho zj, 2 1a hai s6 phiic thoa méan dieu kién |z —5 — 3i| = 5 dong thoi |21 — 23| = 8. Tap
hop céc diém biéu dién s6 phiic w = 2, + 2, trong mat phang toa do Ozy la dudng tron c6 phuong
trinh

5\ 3\
A. (z— 102 + (y — 6)? = 16. B. <x—§> —|—<y—§> —9.
5\ 3} 9
(= 10)2 4 (y — 6)2 = 36. D (e-2)+(v-2) =2
C. (x—10)°+(y—6)* =36 r—5) -3 1
Lo giai.
bat z =z + yi, (x,y € R). Thay vao |z — 5 — 3i| = 5 ta dugc
lz4+yi—5-3il=5<|(x—5)+(y—3)i| =5 & (x—5)*+ (y — 3)* = 25.
1
Gia stt 21 = 21 + yii c6 diém biéu dién 1a A va 2o = o + yoi ¢6 diém
biéu dién 1a B suy ra A va B thuoc duong tron (C) tam I(5;3) ban kinh
R =5. A M B
C
Ma
|21 — 20| = 8 & |(z1 + y1i) — (22 + y2i)| = 8
& (@ — )+ (1 — )il =8 & /(22 — 1) + (g2 — 1) =8
& AB =8
Goi M la trung diém ctia AB va C la diém déi xtng ctia I qua M.
Vi IACB 1a hinh binh hanh nen IA + 1B = IC & ‘I_A’JFI_B" - ’Ej" —IC.
. = [A+ 1B = (21 + 22— 10;y1 + y2 — 6).
IB = (v — 5;y2 — 3)
Do d6 171)+I_B)‘:\/(x1+x2—10)2+(y1+y2—6)2,
I1C =2IM = 2/1A2 — AM? = 2+/5%2 — 42 = 6.
Suy ra /(21 + 22 — 10)2 4+ (g1 +y2 — 6)2 = 6 < (21 + 5 — 10)* + (1 + y2 — 6)> = 36.
Vay diém biéu dién s6 phitc w = 21 + 2, thudc dudng tron (z — 10)? + (y — 6)2 = 36.
Chon dap én@ O

Cau 1321. Cho s6 phtic z théa man (z + 3 —4)(Z + 3i + 1) 1a mot s6 thue. Biét rang tap hop tat
cd cac diém biéu dién ctia z 1a mot duong thing. Khoang cach tit gbc toa do dén duong thing dé
bang
A 4V2. B. 0. C. 2V2. D. 3v2.

Loi giai.

—Dbatz=rv+wy=2=2—1y.

— Séphitc (243 —4)(Z+3i+1) = [z +3+ (y— 1)i] [+ + 1 + (3 — y)i] ¢6 phan 4o la (z + 3)(3 —

Y+ (y— D+ 1).
— Theo dé (z + 3 —4)(Z + 3i + 1) 1a s6 thyc nén phan 4o bang 0

(z+3)B3—-y)+y—1)(z+1)=0x—y—4=0.

— Tap hgp tat ca cac diém biéu dién ctia z la duong thang (A): o —y — 4 = 0.
— Vay d[O; A] = — = 2V/2.
wdoidl= 175
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Chon dap an @ OJ
Cau 1322. Cho s6 phiic z théa méan z + (2 4 i)z = 3 + 5i. Tinh modun cua s6 phiic 2.
A. |z| =13. B. |z] = 5. C. |z| = V13. D. |z| = V5.
Loi giai.
bat z = a + bi, Va,b € R.
Khi do

a=2

b+a—2b=5 3a+b=3 b= -3.

a+2a+b=3 a—b=5
24+ (2414)zZ = 3+5i & a+bi+(2+i)(a—bi) = 3+5i & & &
Vay |z| = V13.
Chon dap an @ [l

Cau 1323. Tim phan &o clia 86 phiic z, biét (1 —i)z = 3 + 1.
A —1. B. 1. C. -2 D. 2.
Loi giai.
: : 3+i B+i)(1+4+1) 244
Taco (1—i)z=3+ie 2= - —
aco (1—1)z +is 2z T3 5 5
Vay phan 4o ctia s6 phiic 1 2.

Chon dap an @ O

=1+ 2.

Cau 1324. Cho s6 phtic z thda man diéu kien |z — 2 + 3i| < 3. Trong mat phang Ozy tap hop diém
biéu dién s6 phitc w = 2z + 1 — i 14 hinh c6 dién tich.
A. S =25m. B. S = 16m. C. §=9r. D. S = 36m.
Loi giai.
Gid st w =z + yi (z,y € R).

—1 1)¢
w:2z—|—1—i:>,2:m +y+ )Z.

2
Ta co
1 1)i
z—2+3]<3 & |2 +2(y+ )Z—2+3i'§3
x—5+2(y+7)i <3

=
& (r—5)°+(y+7)7* <36

Vay tap hop diém biéu dién sé phiic w 1a hinh tron c¢é ban kinh R = 6.
Dién tich hinh tron S = 36m.
Chon dap én (D) O

Cau 1325. C6 bao nhieu s6 phiic z théa méan |z — 3i| = 5 va

Z N A X 2
1 1a so thuan ao.

A. 0. B. 2. C. 1. D. Vo sb.
Loi giai.
Diéu kien z # 4.
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4ar

Vi 13 s6 thuan 4o nén =ai v6ia € R, suy ra z = -. Khi d6
zZ— zZ— —l+wm
i
2 —3i|=5 o ‘ W 3i| =5
—1+ai
3a + (3 +4a)i s
—1+ai B
9a® + (3 + 4a)?
o Ja + (3 +4a) _ o5
1+a?
- 2
a=-.
3
Vay c6 duy nhat s6 phtic z théa man bai ra.
Chon dap an (C) O
Cau 1326. Tim phan 4o cta s6 phiic z, biét (2 —i)z =1 + 3i.
7 7 1
A. 3. B. —. C. - D —.
5 5 5

Loi giai.
14 3¢ 1 7 N
2—1; ; =75 + 5@ Vay z c¢6 phan ao la £

Chon dap an @ OJ

Taco (2—i)z=1+3i< 2=

Cau 1327. Trong mat phing Ozy, goi A, B, C lan lugt 1a cac diém biéu dién céc s6 phiic 2, 2o,
21 + 29. Xét cac ménh dé sau
21 = %9

@ |z1] = || & ; @ |21 + 22| < |21] + |22l;
21 = —29

@NewOA-OB=0thiz; H+2z 71=0 (@ OC?+ AB? = 2(0A% + OB?).

Trong caAc ménh dé trén c6 bao nhiéu ménh dé diung?
A 1 B. 3. C. 2. D. 4.
Loi giai.
Goi 21 = x1 + W11, 20 = To + Yot (1,91, %2, Y2 € R), ta co
— |zt = || =r & 22 +y? = 22 +y2 = r? = A, B nam trén dudng tron tam O, ban kinh r, do
d6 menh dé 1) sai.
— OA+ OB = (21 + 29391 +12) = OC, suy ra OACB 1a hinh binh hanh, khi d6 |z + 2| <
21| + |22] = OC < OA+ AC = OA+ OB = |z1| + |22/, do d6 ménh de 2) dung.
— 0A0B=0s T1xo+y1y2 = 0, khi do 21-Z5+2021 = (1 + y17) (X2 — yoi)+ (21 — 117) (T2 + yoi) =
2 (x129 + y192) = 0, suy ra ménh dé 3) dung.
— OC? + AB? = |z1+ 2+ a— 2 = (m+2) + (1 +p) + (@1 —22)° + (1 — 1) =
2@+ a3 +yi+y3) =2 <|zl|2 + |z2|2) =2(0A? + OB?), do d6 ménh dé 4) dung.
Vay c6 3 ménh dé dung trong cdc ménh dé da cho.

Chon dap an O

Cau 1328. C6 bao nhiéu s6 phtic z = a+bi (a,b € Z) thoéa man |z 4| + |z — 3i| = |z + 4i| + |z — 64|
va |z| < 10.

A. 12 B. 2. C. 10. D. 5.
Lo giai.
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Ta ¢6 z = a + bi,(a;b € R) = diém biéu dién ctia z la y
M (a;b). 105
Cac diém M can tim thuoc hinh tron tam O(0;0), ban
kinh R = 10. 0
Xét cac diem A(0;6), B(0; —4),C(0;3), D(0; —1), E(0; 10), F(0; —70). 3
e AC 3 AD T
YOUAB T 100AB T 10 ; ;
Do d6 ta c6 MC = 1—07\474’ + E]\—é/ﬁ,MD =
LA+ 2B,
10 10
Ta co
7

( 3 — e —
MC=|—MA+ —MB
¢ '10 + 10 '

Q

MD = | -L3TA s 2B
10 10

(Ve < 2 MAat uB
=10 10

7 3
MD< —MA+ —MB.
\ D< 10 * 10 B

Suy ra ta co MC +MD < MA+ MB.

\

Dau bang x4y ra khi va chi khi MA, MB cing huéng < M thuoc doan AF hodc doan BF.
Doa€Z = ac{-10;-9; -8, —-7;—6; —5;—4;;6;7;8;9; 10}.

Vay ¢ tat ca 12 diém M can tim, v6i M(a;0) va a € {—10; —9; —8; —7; —6; —5; —4;6; 7; 8; 9; 10}.
:4%’11’11 y:A%Leo cach gidi trén, diém mau chot gidi duge bai todan la A, B,C, D thdng hang va ti lé

1B = k,E =1 — k. Nhu thé c¢é thé tao ra mot lop bai todan dang MA+ MB = MC + MD.

Chon dap an @ O

Cau 1329. Cho s6 phtic z ¢6 mo-dun bang 21/2. Biét rang tap hop diém trong mat phang toa do
biéu dién céc s6 phitc w = (1 —i)(z +1) — i la dudng tron c¢6 tam I(a;b), ban kinh R. Tong a+b+ R

bang
A. 5. B. 7. C. 1. D. 3.
Loi giai.
. 149
—Tacéz:w—{—,z—l:w—“.
1—2 1—2

— 1424 — 1427
—wmwﬂﬂjw—ilﬁﬂ@@—iﬂﬂﬁ.

1—i V2

— Ta cb

lw—1+4+2i|l=4 & |z+yi—1+2i|=4(w=x+yiz,yecR)
e V@ —12+(y+22=4s (@1 +(y+2)?°=16.

— Vay tap hgp diém biéu dién s6 phitc w 1a dudng tron tam I(1; —2) va ban kinh R = 4. Suy ra
a+b+ R=3.
Chon dép an (D) O
Cau 1330. Cho s6 phiic z théa man phuong trinh (3 +2i)z + (2 — i)? = 4 +i. Toa do diém M biéu
dién s6 phic z 1a
A M(—1;1). B. M(-1;-1). C. M(1;1). D. M(1;-1).
Lo gidi.

Suu tam € bién soan Th.s Nguyén Chin Em 335 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Ta co
1+ 5i 1+5)(3—2¢
(3—|—22’)z+(2—i)2:4+i<:)(3—|—2i)z:4+i—(2—i)2<:)z:312?2( i Zié Z>:1+i.
i
Vay diém biéu dién s6 phitc z 1a M(1;1).
Chondépén@ O

Cau 1331. Cho z, 2 1a hai s6 phiic lién hop ctia nhau dong thoi thdéa man Z—; € Rva |z — 2| = 2V/3.
)
Tinh mo6 dun ciia s6 phic z;.
V5

A x| =3 B. |z1|:7. C. |z =2 D. |z =5 .

Lo giai.
Gié st 2z = a + bi, v6i (a,b € R) = 20 = a — bi.
Ta ¢ |21 — 25| = 23 = |b] = V3.

Ta o6 z_; _ a—zl—bz' o (a+§n')(az;b2 ~|—223bi) cR
z2 a2 —1b%—2abi (a? — b%)% + 4a?b
Suy ra 2a*b + b(a®> —V*) =0 & 3a*> = 0> = a* = 1.
Vay |z = Va2 + 02 = V1+3=2.
Chon dap én@ OJ
Cau 1332. S6 phiic z théa man |z — 1| = 5, E + i = % va z ¢6 phan 4o duong. Tim tong phan
thyc va phan 4o cla z. ©
A. 2. B. 4. C. 6. D. 8.
Loi giai.
Goiz=x4+yi véix,y € Rvay > 0.
Tu
z—1 =5 (-1 +y =252 +y* —22=24. (1)
Tu B
2+%—%@#+#—%@2x—%(m2+y2)@x2+y2—%x—0. (2)
Lay (1) trit (2) theo vé, ta dugc x =5, y = 3. Vay o +y = 8.
Chon dap én@ O
Cau 1333. Cho s6 phiic z = a + bi, (a,b € R) théoa méan |2[(2 +i) = z — 1 + (22 + 3). Tinh
S=a+b.
A S=1. B. S=-5. C. S=-1. D. S=7.
Lo giai.
Ta co
|z|(24+1) =2—14+i(22+43) & 2z2|+ D)+ (Jz|—-3)i=(1+2)z (1)
124 + (el = 8) i = |1+ 202
& (202l + 1"+ (|2] = 3)" = 5[z
& |z| =5.
Thay |z| = 5 vao (1), ta duge z = 3 — 4i.
Vay S=a+ b= —1.
Chon dap én@ O
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Cau 1334. Cho s6 phtic z théa man z = (1 ) . Tinh z*.
—1
A —1. B. i C. —i. D. 1.
Lo giai.
141 1+14)? 20
SO AL e ) . ISP T T T S S )
1—1 2 2
Chon dép an (D) O
, 1o, .
Cau 1335. Nghich dédo — ctia s0 phiic z = 1 + 3¢ bang
z
1 3 1 3 1 3 1 3
Al —+ —i. B —— —u. C. —+ —i. D —— —i.
v10 /10 v10 10 10 10 10 10
Lai giai.
Ta cd 1 z 1—37 1 3.
ach—=——= =— — —i.
z z-z 149 10 10
Chon dép an (D) O
Cau 1336. Cho s6 phiic z thoa méan (3 + 2i)z + (2 —1)? = 4 + 4. Modun cta s6 phitc w = (2 + 1)z
bang
A 2. B. V10. C. V5. D. 4.
Loi giai.
Ai—(2—0)?
Taco (34+20)2+ (2— i) =4 +io 2= +Z3+(2, D14
i
Suy ra |w| = |(z + 1)Z| = [z + 1| - |Z2| = V/5 - V2 = V10.
Chon dép an (B) O
. . 1.
Cau 1337. Cho so phtic z thoa man z + 2z = 3 4+ ¢. Gia tri ciia bieu thic z + — bang
z
3 1 1 1 3 1 1 1
A —+ - B. -+ - C. - — - D. - — -
23 SRY 2 2 2 2
Lai giai.
Gid st z =z +yi, (r,y e R) =z =2 —yi.
3r =3
Tacoz+2z=3+1%& Sz=1+41.
y =
1 z 1 1
Dod6 — = — == — —i.
°0y |z]2 2 2!
N ) 1 3 1.
Vay taco 2z 4+ — = = + <.
z 2 2
Chon déap an @ OJ
Cau 1338. Tinh mo-dun ctia s6 phiic z, biét (1 — 2i)z +2 — i = —124.
1
A. 5. B. V7. C. 3 D. 2/2.
Lo giai.
—2—11
Ta c6 (1—22’)2—1—2—1':—122'(:),2:1—2,224—31'.
—2i
Vay |z| = /42 + (—3)? = 5.
Chon dap an @ O
) 3 .
Cau 1339. Cho s0 phtic z = 3_5 - — 4. Mo-dun ctia so phitc Z 1a
i
V370 V10 -3 1
A ——. B. —. C. V10. D. — + —i.
10 10 0 10
Lo giai.
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_ o 1 3 1,.._3 .1,

z = — 1 g = — — —1 z = — —1.
A0 2= 3T T35 10 10 10 " 10

9 1 V10
Vay |2 = 4/ — 4+ — = Y.
8y |2 100 100 1
Chon dép an (B) O
2
Cau 1340. Tim phan thuc ctia s6 phic z, biét z + il = 10.
zZ
A. 20. B. 10. C. 5. D. 15.

Lai giai.

Goi z=a+bi #0 (a,b € R), ta c6

2
z+ﬂ:1o & 22+ |z* =10z
z

< a? — b2+ 2abi + a® + b* = 10a + 10bi

2a°> — 10a = 0
=
2ab = 10b

a=>5
=
b=0.

Vay z c6 phan thic bang 5.

Chon dap an @ O
Cau 1341. Cho s6 phiic z théa man 2(2 — i) + 13i = 1. Tinh mo-dun ctia s6 phtic 2.

A. |z] = 34. B. |z| = V34 C. |z| = @ D. |z| = %ﬂ
Loi gidi. |
Taco2(2—i)+13i =1 2= 12__1? =3 - 5i.
Khi dé |z| = v/34.
Chon dép an (B) O
Cau 1342. Tim phan 4o clia s6 phiic z biét 2(2 — 1) + 13i = 1.

A. —5i. B. 5i. C. —5. D. 5.
Loi giai. |
Taco 2(2—i)+13i =1 2 = 12__1:” = 3 5i.
Vay phan 4o ctia z bang —5.
Chon dap an @ 0
Cau 1343. Cho s6 phiic z thoa % Ia 86 thuc, |2 — z| = 3v/2. Tinh |2|.

A. |z| = 3V2. B. |z]Z: V6. C. |z| = 2V3. D. |z| = V3.
Lo giai.
Goi z =z +yi, (z, y € R).
Ta 6 |2 — 2| = 3v2 < |2i| = 3v3 < |y :%.
Khi 6. Z T+ yi o (z + yi)(2? — y? + 2zyi) _ o3 — 3ry? — (v3 — 3x2y)z"

2 22—y 2zyi (22 — y2)2 + day? (22 1 42)?

Vi % 1& s6 thuc nén

y> 3
y3—3x2y:0:>y2—3x2:0(:>x2:§:5_
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Vay |2 = /a2 + 42 = g g V6.
Chondépén O

Cau 1344. Tim diém biéu dién ctia s6 phiic Z 14 s6 phiic lien hop clia z, biét (44-3i)z— (3+4i)(2+1i) =
9 — 9.

A (2;-1). B. (2;1). C. (-2;-1). D. (—2;1).
Loi giai.

o e
Ta 6 (44 31)7 — (34 4i)(24+1) =9 — 9i = » — LA T BN F1)

=2—1=>Z=2+u1.

| 4+ 3
Vay diém biéu dién ctia 7 1a (2;1).
Chon dap an O
Cau 1345. C6 bao nhieu s6 phtic z thod man |z] (z —4 — i) + 2i = (5 —4)27
A. 2. B. 3. C. 1. D. 4.
Lo giai.
Ta co

|z|(z—4—i)+2i=(5—i)z< 2 (]z]| =5 +1i) =4]|z] + (|]z] — 2) 1.
Lay modun 2 vé ta dudgc

21/ (12 = 52 + 1= /(4 ]2])* + (2] — 2)~

bat t = |z| t >0 ta duge

(=52 +1= /(42 +({t—22< (t—-1)t* -9 +4)=0.

Phuong trinh c6 3 nghiém phan biét ¢ > 0 vay c¢6 3 s6 phiic 2z thod man.

Chon dap an 0
Cau 1346. C6 bao nhieu s6 phiic z théa méan |z| (z —5 — 1) + 2i = (6 — 1) 27

A 1. B. 3. C. 4. D. 2.
Loi giai.

Ta c6 |z|(z—5—i)+2i— (6—1i)z < (|2 —6+i)z:5|z|+(|z| —2)i (1).

Lay mo-dun hai vé clia (1) ta c6 \/(]z] — 6)2 + 1 |z| = /25|22 + (|z] — 2)2.

Binh phuong hai vé va rat gon ta ducge

2| = 12|22 + 112> +4|z] —4=0< (2] = D(|z]> = 11|]z]* +4) =0
|2 =1
1z =1 2| &~ 10,967
=
2> =11z +4=0 2| =~ 0,62
|| ~ —0,587.
541 2
Ma |z|(z =5 —1)+2i=(6— )Z@Z:%.
Do |z| > 0 nén ta c6 ba s6 phic théa man dé bai.
Chon dap an (B) O
Cau 1347. Tim s6 phiic z, biét (2 — 5i)z — 3 +2i =5 + Ti.
9 50 9 50 9 50 9 50
A Z=——+—i B.Z=—— — —i. L= — — —i. D.Z=—+ —i.
TR T 729 29 C.7=5 "2 739 3
Loi giai.
_ 5i+8  (5i+8)(2+5i) 9 50 9 50,
Taco (2—5i)z —3+2i=5+7Ti= 2 = b i T=—— — —i,
86 (2=50)z =342 =54Ti= 2= 00 = 55 555 29 29 29 29"
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Chon dap an (B) O
~ N ~ 2 < 2 « 2 + X £ . 3+4Z ~ 19 2 ~
Cau 1348. Tim toa do cuia diem biéu dién so phic z = 1 trén mat phang toa do.
-1
1 7 17 17 1 7
sol-D) ma(D) er(hD) (L)
2 2 2°2 2’2 2" 2
Loi giai.
3+ 4i 3+41)(1+1 1 7 ) s 17
Ta c6 z = i .z = B+ Z)( +,Z) = —— 4 —i nén toa do ctia diém bieu dién so phiic z la (——; —).
1—i (1 —4)(1414) 2 2
Chon déap an @ OJ
. . 1
Cau 1349. Cho s6 phtic z = 7 — 7. Tim s0 phiic w = —
z
7 1 1 7 1 7 7 1
A. — — —1. B w=——+ —i. C. — + — D. — + —
Y750 500 TR =50t 50" =50 " 50"
Loi giai.
Ta o 1 1 7T+1 7 N 1.
acOw=— = = - 4
z T7—i (7T—49)(74+4) 50 50
Chon déap an @ O

Cau 1350. Trong mat phéng toa do Oxy, tim tap hop céc diém biéu dién sé phic z théa man
z+ 4

z—4
A. Truc Oy bé di doan I.J (v6i I 1a diém biéu dién 44, J la diém biéu dién —44).
B. Truc Oy bé di doan I.J (vé6i I la diém bicu dién 2, J la diém bicu dién —2i).
C. Doan IJ (véi I 1a diém biéu dién 4i, J 1a diém biéu dién —4i).

D. Truc Oz bd di doan ndi IJ (v6i I 1a diém biéu dién 4, J 14 diém biéu dién —4).

Loi giai.

14 mot s6 thie duong.

Dat z = o + yi v6i 2,y € R va M(z;y) la diém biéu dién clia s6 phitc 2 trong

mat phang toa do Oxy. Ta c6 j 7
cHdi wtyi+ 4 ot (y+4)i 31
c—4i wtiy—4i oz (y—A4) i
_ [+ +difle—(y—4)i] 10
[w+(y 4)i] [z — (y — 4)i] —1, 123 4%
_ -y - 4)2+w(y+4)Z+(y+4)(y—4) —24
24 (y—4)2 —3+
z? 4y — 16 8 _ —44J
= =+ 1. -5
24+ (y—4)? 22+ (y—4)?
. 4q
be A 1a mot s6 thiye duong khi va chi khi
z—4i
z=0
< A y<—4.
2 4+y*—16>0 y> —16 >0
y >4
Vay tap hop cac diém biéu dién ctia s6 phiic z la truc Oy bd di doan I.J (véi 1
la diém biéu dién 44, J 1a diém biéu dién —41).
Chon dap an @ 0

. 2460\ 2
Cau 1351. Cho so0 phtc z = ( 3+ ,Z> (m nguyén duong). C6 bao nhiéu gia tri m € [1;50] dé z
—1

1& s6 thuan &o?
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A. 25. B. 24. C. 26. D. 50.
Lai giai.
2460 (24 6i)(3+1)

3—i 10
S6 s6 nguyen duong 16 € [1;50] 1a 25.

= 24, (2¢)™ 1a s6 thuan ao khi m 1a s6 1é.

Chon dap én (A) O

Cau 1352. Cho cac sb phiic z;, 2z théa man |z;| = 3, || = 4 va chiing dugc biéu dién trong mat

phéng phrc lan luot 1 cac diém M, N. Biét goc gitta hai véc-tc OM va ON bang 60°. Tim modun
Z1 + 29

21—22'

clia s6 phiic z =

5 481
A 2] =3 B. |2| = g C. |2 = Y220 D. |2| = 4V3.

Lai gidi.

60°

Dat 23 = 3(cos p + ising), zo = 4(cos(p £ 60°) + isin(p £+ 60°)), ta co

41, V3
2 4 SSPUPDRRORS Wi g
21—|—22_1+21_1+§<C0360 + isin 60°) 3<2 2 ) 5423

- » T4 = = 1=
a-n 1-2 1 — = (cos 60° =+ 7 sin 60°) 1_il liz\/_g 15 203
1 3 3\27 2

481
13
Chon dap an @ O

Suy ra |z| =

. , 2v2
Cau 1353. Cho ba sb phitic zy, 29, 23 thda man z; + 2o + 23 = 0 va |21 = |22] = |23]| = T\/_ Meénh
dé nao duéi day ding?
A |21+ 20 + 23| < |z129 + 2923 + 2321)- B. |21 + 29 + 23| # 2129 + 2223 + 2321]-
C. |Zl + 29 + Z3| > ’2122 + 2023 + 2321|. D. |Zl + 2o + 23| = ‘2122 + 2923 + 2321’.

L&i giai.
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Ta co
1 1 1
|2120 + 2023 + 2321| = |z12023] | — + — + —
Z1 z9 z3
22\’ m  m =
= 3 7 + 7 T 2
|21 |22 |23]
- (2«5)3 ., m ., 7
3 3 3
21/2 2
= T|Z_1+Z_2+Z_3| = T|21+22+Z3|
22
= %’Zl+22+23|:O:‘Zl+22+23|.
Chon dap én@ O

Cau 1354. Trong mat phang phttc Ozy, tap hop cac diem biéu dién s6 phitc z théa man diéu kien
|(144)z — 4 + 2i| = 4v/2 13 mot duong tron. Xac dinh toa do tam I va ban kinh R ciia dudng tron
do.
A I(1;-3), R=4. B. I(4;-2), R=4y2. C.I(1;-3), R=2. D. I(—1;3), R =4.
Loi giai.
Goi diém M (z;y) biéu dién s6 phiic z.
(1+d)z —4+2i] 4V2
1+ ] BRIER]
S |z—143il=4& (z-1)72+(y+3)*=4%

(14i)z —4+2i| =4V2 &

Vay tap hop cac diém M bicu dién s6 phiic z 1a duong tron tam I(1; —3), ban kinh R = 4.

Chon déap an @ O
A~ Z P 2 ~ 22_Z+3Z ~ 2 <2 -2 e x P4 .
Cau 1355. Cho so phtic z théa méan T | 3. Tap hgp cac diem M bieu dién so6 phic z
z+1
trén mit phang phic la
A. Mot Parabol. B. Mot dudsng thang. C. Mot dudng tron. D. Mot Elip.
Loi giai.
Giast z=a+ b € Cvéia,beR.
Ta co
oz _ .
Z z—.|—3z _ 3
z+1
122 — 2 + 31| 5
|z 44|
2 a — bi) — . .
o 12(a — bi) (.a—i—‘bz)—i-32| _3
la + bi + i|
& |2(a —bi) — (a+ bi) + 3i| = 3|a + bi+ ]
& (a2 + (3—3b)2=3y/a?+ (b+1)2
& 8a® —36b=0
2
& b=-ad
5%
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Vay tap hop cac diém M biéu dién sb phiic z trén mit phang phtc la mot Parabol.

Chon dap z’m@ OJ
. 2— 6t .
Cau 1356. Cho s6 phiic z = ﬁ khi d6 s6 phiic lien hop ciia 2 Ia
i
A zZ=-3+1. B.z=3-1. C. z=-3—1. D. z=3+1.
Loi gii.
2— 6t
Tacoz= -t =—i—8=2=—3+i
i
Chon dap an (A) O
~ £ . m+1 N 2 .z . ~ 2 2 .
Cau 1357. Cho so phitc z = ——————, (m € R). Tim cac gia tri nguyén ctia m de |z —i| <1
1+m(2i— 1)
la
A. 0. B. 1. C. 4. D. Vo sb.
Loi giai.
) : m+1 . 3m+1+(m—1)
Tacobz—ti=—""—— —i= , :
1+m(2e—1) 1+2mi—m

Theo gia thiét co
3m+14 (m—1)i
14+2mi—m
o /Bm+ 12+ (m—1)2 < /(1 —m)?+ (2m)?
& dmP+om+1<0

<1

|z —i] <1

1
S —l<m<—-.

5)

Ma m € Z nén khong c6 gia tri nao thoa méan.
Chon dap an @ O
Cau 1358. Cho s6 phiic z = 1 - i va 7 la s6 phiic lién hop clia 2. Ménh dé nao sau day sai?

A 7] <2 B. ; =i, C. 2% las6 thudn do.  D. z* 1a s6 thuin 4o.
Loi giai.
Tacozt = (1+4)* = (1 +)2)? = (2i)2 = —4 khong phai s6 thudn 4o. Do d6 menh dé z* la s6 thudn
ao sai.
Chon dép an (D) O

- ]_ 7z S e .~ 7z P
- +i| = /5. Biét riang tap hop biéu dién s6 phiic w =

Cau 1359. Cho s6 phiic z thda man

(1 —1i)z + 2i c6 dang (z + 2)* + y* = m. Tim m.
A.m =96. B. m =92. C. m = 50. D. m = 100.
Loi giai.
w— 21

—1

Tacow=(1—i)z+2i= 2= . Do d¢, ta c6

1 %
il =vE oA s
2—1 2—1
&z 42 =5
P Y
1—1

& w+2| =5V2.

Suy ra tap hop cac diém biéu dién s phitc w 1a duong tron (z + 2)2 + 32 = 50.
Vay m = 50.
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Chon dap én@ 0
. 2+1 .
Cau 1360. Cho s6 phiic z théa man hé thie (i + 3)z + —?—Z = (2 —4)z. Tinh mo6-dun ctia s6 phiic
i
w=z—1.
2 V2 V2
A2 B Y2 c. Y20, p. Y0,
) 5 25 5
Loi gii.
bat z =z +yi v6i z,y € R.
Ta co
: 2+ o : : : : :
(1+3)z+ - =2—-i)z2e ((+3)(x+yi) —2i+1=(2—1)(x—yi)
z+1=0 z=-1
& (v+1)+2x+5y—2)i=0«< & 4
20 +5y—2=0 y=-.
>
4 1
Dodéz:—1+gi:>w:z—i:—1—gi.
1\? 26
Béi vay |w| = \/(—1)2 + <_5) =
Chon dép an (B) O
~ P . . 2 ~ |Z|2 . 2(Z+Z) . a
Cau 1361. Cho s0 phitic z = a+bi (a,b € R) théa man — + 2iz + T :0.T1nhP:g.
z —1
3 1 1
A . P=—-. B. P=—-. C. P=5. D P=—.
) ) 5
Loi giai.
Viz-z=|z" nen
2 :
2
u—i—Zz’z—i—(z—wzo
z 11—z
5 .
< Z—i—Qiz—i—(lZ—m:O
—1
2 bi+d)(1+i
& a—bit2i(atbi)+ 20F “;M =)
& (2a—3b—1)+Ba+1)i=0
20—-3b—1=0
=
3a+1=0
1
a=—=
o 3
b= —2
5
a 3
Vay P = — = —.
WETE T
Chon dap én@ 0
Cau 1362. Cho s6 phiic z théa méan z (2 — i) + 13i = 1. Tinh mo-dun ctia s6 phiic z.
5v 34 V34
A. |z| = 34. B. |z| = —3 C. |z| = V34 D. |z| = —
Lo giai.

Suu tam € bién soan Th.s Nguyén Chin Em 344 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Ta co
. . 1—13i (1—134) - (2 +14)
2— Bi=1 & z2=—& 2=
2(2—1)+ 130 = z 2= 210
1
& 2= (2-2i+i+13) & z=3-5i

Suy ra |z| = /32 + (—5) & |2| = V34.

Chon dép an (C) O
Cau 1363. Cho s6 phiic z thoa méan |2? + 2z + 2| = |z + 1 — i|. Tim gi4 tri 16n nhat cia |z|.

A V241 B. 2. C. V2+2. D. V2 -1
Loi giai.

Taco 22 +22+2=(2+1)22+1=(z+1)2-=(z+1+1)(2+1—14). Do do

249 2
2242249 = o+ 1—i| e |22
z4+1—1
H1+0GE+1-0)]
z+1—1 N

elz+ 1414 =1

Suy ra tap hop cac diém biéu dién sb phiic 2z 1a dusng tron tam I(—1; —1), ban kinh r = 1.
Vay gid tri 16n nhat ctia 2] 1a OF +r=1/(-1)2 + (-1)2+ 1 = V2 + 1.

Chondépén@ [l
Cau 1364. Tim sb phtic z théa man z + 4 — 2i = %
A z2=-3+09. B.z2=1-3. C. z =46 — 52i. D. z =5+ 5.
Loi giai.
Tacéz+4—2i:%@z—i—él—%:l—l—ﬁ@z:—?nt%.
Chondépén@ O

Cau 1365. Cho s6 phtic z théa man |(1 — i)z — 4 + 2i| = 2. Tap hdp céc diém biéu dién s6 phiic
z trén mat phang toa do Ozy la mot duong tron. Tim toa do tam I va tinh ban kinh R ctia dudng
tron do.

A I(3;—-1),R=+2. B.I(3;-1),R=2. C. I(3;1),R= 2. D. I(3;1),R=2.
Loi giai.
Chia hay vé ciia ding thitc |(1 — i)z — 4 + 2i| = 2 cho |1 — i| ta dugc |z — (3 + 1) = v/2|. Suy ra tap
hop cac diém bidu dién s6 phtic 2z 1a duong tron tam I(3;1), ban kinh R = /2.
Chon dép an (C) O

1 .

Cau 1366. Goi 21, 2 13 hai nghiém phiic clia phuong trinh az?4z+~- = 0 (a € Ri) Biét |z1|+|2e| =
a

2, khi d6 a nhan gia tri bang

1
A g B. 2. C. 3. D. 1.
L&i giai.
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Theo gia thiét
1
a4+ z24+4-=0<ad’224+az+1=0
a

@( +1>2+3 0
az + = - =
2 4

az—l—%z@ z:2—1a<—1—|—i\/§).
& z\/§® 1 . (1)

az +

1
2 2

1
Vi |z1| + |22 = 2 nén tu (1) suyra2—(2+2):2<:>a:1.
a

Chon dap an @ 0
Cau 1367. Cho s6 phtic z théa man (2 +¢)z = 3 — 4¢. Tim phan thuyc cla 2.
2 11 2 11
A —. B. ——. C. -. D. —.
25 5 5 5)
L3i giai.
taco 3—4: 2 11
— 44
24 i)z =3—4i & 2= e}
(2+14)z L z= G = o=
N . . 2
Suy ra phan thuc cua z bang £
Chon dép an (C) O
Cau 1368. C6 bao nhieu s6 phiic z théa méan z +2+ i — |z|(1 + 1) = 07
A 1 B. 0. C. 2. D. 3.
Lai giai.

Goi z = a + bi v6i a,b € R. Khi do, tit gid thiét ta suy ra

z24+241—|z|(1+4) =0
& a+bi+2+i—Va®+0?(1+1)
{a+2—\/a2+b2:0

<~

b+1—+Va2+b>=0

a+2—-Va?+b2=0
~

b=a+1

a+2=1/a?+ (a+1)?
<~

b=a+1

(a2—2

& (a+2)?=a*+(a+1)?
(b=a+1
(a2—2

& a>—2a—3=0

lb=a+1
a=—-1,b=0
<~
a=3,b=4.
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Vay c6 2 s6 phiic z thoa bai toan.
Chon déap an OJ
V17

Cau 1369. Cho s6 phiic z théa man (2+1i)|z| = —
2
6 phic w = (3 —4i)z — 1 + 2¢ 1a dudng tron tam I, ban kinh R. Khi d6

+1 — 3i. Biét tap hop cac diém biéu dién cho

A I(-1;-2),R = /5. B. 1(1;2),R = /5.
C. I(-1;2),R=5. D. I(1;-2),R = 5.
Loi giai.
Ta co

VT Vi

@+i)lsl == +1-3i & (21— 1)+ (|s| +3)i =

. V17

= 122 = 1)+ (2] + )il = | *=

V17

= @I =17+ (el + 37 =
17
= 522+ 22| +10= —
EE

= Slz[* + 21z +10[z)* —17T=0 (%)

Dat z = |z|,z > 0. Xét ham s6 f(z) = 5x* + 223 + 1022 — 17 vé6i = > 0.

Co6 f'(x) = 2023 + 622 + 20z > 0,V > 0 nén f(x) dong bién trén (0; +0c0), ma f(1) = 0 nén phuong
trinh f(x) = 0 ¢6 nghiém duy nhat z = 1 trén khoang (0; +00).

Do vay phuong trinh (%) c6 nghiém duy nhat |z| = 1.

w=B3—-4i)z—14+2i & w+1—-2i=(3—4i)z
= |w+1-2i|=]|(3—4i)z] =5
Do dé6, tap hop cac diém biéu dién s6 phitc w 1a dudng tron tam I(—1;2), ban kinh R = 5.
Chon dap an (C) O

zZ—1
z+1

Cau 1370. Trén mat phang toa do Oxy, tim tap hop diém biéu dién sé phiic 2z théa man
1.

A. Hinh ch nhat giéi han bdi cac dusng x = +1,y = +1.

B. Truc Oz.

C. Duong tron (x + 1)+ (y — 1) = 1.

D. Hai duong thang y = £1, trit diém (0; —1).
Loi giai.

Goi z = x + yi, (x,y € R) 1a s6 phitc thda méan bai toan.

Khi d6, diém M (z;y) biéu dién cho sb phiic z trong mat phang Oxy.
Dicu kién z # —i suy ra M (x;y) # (0; —1).

Khi do,

zZ—1
z+1
|z —

ER] -

& |z -1 =z 41|

=1
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& x4yl —i| = |z +yi+ 1
e Vet -1 =t ()2
& y=0.

Vi diém (0; —1) ¢ Ox nén tap hop cac diém M biéu dién s6 phiic 2 1a truc Ox.

Chon dép an (B) O
Cau 1371. Tim s6 phiic 2z théa man (1 —i)(z +1 — 2i) — 3+ 2i = 0.
5 3. . . 3 5.
A.Z—§+§Z. B. z=4-3i. C. z=4+4 3. D.z—§+§@.
Loi giai.
3—2i 3 5
Taco (L—i)(z+1-2)=3+2=0&2+1-2=" ?é#z:§+§i
—1
Chon dap an @ O
Cau 1372.
Cho s6 phtic z théa man diéu kien z — (2 + 3i)z = 1 — 9. S6 phiic y
5 2 2 ~ o o
w = — c6 diem biéu dién la diem nao trong cac diem A, B,C,D &
iz
hinh bén? N L D
i —1 1 i
-9 i 1o} | ) T
S S
B -2 A
A. Diém C. B. Diém A. C. Diém D. D. Diém B.
Loi giai.
Gia stt z = a + bi v6i a,b € R. Theo deé bai ta c6
—a—3b=1
a+bi—(243i)(a—bi)=1-9< —a—3b+Bb—3a)i=1—-9i <
3b — 3a = —9.
o 1A 5 .
Giai hé ta dugec a = 2,b = —1. Suy ra w = - — =1 — 2.
(2 —1)
Vay diém biéu dién s6 phitc w la diem A(1; —2).
Chon dép an (B) O

Cau 1373. Cho s6 phtic z = a+bi (a,b € R) théa man (1+3i)z —3+2i =2+ 7i. Gid tri claa+b

la

11 1
A —. B. 1. c D. 3.
5 5
L&i giai.

Ta c6 phuong trinh ban dau tuong duong véi

(1+3i)z=5+biez=

1+ 3i

Suyraa=2,b=—-1néna+b=2—-1=1.
Chondépén O
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Cau 1374. Cho s6 phiic z = a+bi (a,b € R) ¢6 phan thyc duong va thoa man z+2+i—|z|(1+4) = 0.
Tinh P=a+0.
A.P=T. B. P=-1 C. P=-5. D. P=3.
Loi giai.
Diat z=a+bi (a,b € R, a > 0). Theo dé ta c6
a+2—Va2+b2=0

a+bit2+i— V@t R(l+i)=0s
b+1—+vVa?2+b=0

{a—i—Q:b—i—l {a:b—1>0
= =

b+1=+va2+0b? b+1)*=(b-1)*+b
a=b-1
S<b>1 Sb=4a=3
b* — 4b =
Vay P=1T1.
Chon dap an @ O
Cau 1375. Cho s6 phiic z théa méan (1 + 3i)z — 5 = 7i. Ménh dé nao sau day dang?
13 4 13 4 13 4 13 4
A Z=——+ i B z=——_i. C.z=—+_i D zZ=——-_-i
5 5 5 5 5 5 5 5
Loi giai.
Ta o6 547 13 4,:>_ 13+4.
aco z= =__2 =24
“T1+3 5 5 755
Chon dap an @ O
) 4
Cau 1376. Cho s0 phiic z théa man (3 — 4i)z — B = 8. Tinh |z|.
2
1
A |z| = 2V2. B. |z| = 3" C. |z| = V2. D. |z] =2.
Laoi giai.
Z 2 - Z Y 4
Ta bién doi gid thiet ve (3 —4i)z =8+ =k
z
Lay mo-dun hai vé ta duge
4
|(3 —4i)z] = ‘8+ —
2]

& [3—4i]-|z| =8+ —
z
|z| =2 (Théa man)

2
2l ]z = ~% (Loai).

Chon dap an @ O

Cau 1377. Goi 21, 23 1 hai trong céc s6 phiic théa man diéu kien |z — 5 — 31| =5 va |21 — 25| = 8.

Quy tich cac diém bicu dién s6 phitc w = z; + 2o 13 dudng tron c6 phuong trinh nao sau day?

A (z— 102+ (y— 6)? = 36 B (I—§>2+< —§>2—9
. Y = 30. . 5 Y 5) T
5\2 3\? 16
Loi giai.

Suu tam € bién soan Th.s Nguyén Chin Em 349 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Goi A, B lan luot la hai diém biéu dién hai s6 phiic 2, 2, I 1a diém A
biéu dién s6 phiic 5 + 3i.

T gid thiét ta c6 A = IB =5 vi AB = 8. Vay AB la mot day cung
c6 do dai bang 8 cia duong tron tam I, ban kinh R = 5.

Ta co
I
w:zl+22<:>w—10—6i:(21—5—3i)+(22—5—3z').
Lay mo-dun hai vé ta duge
B
lw — 10 — 6i| = |(21 — 5 — 3i) + (2, — 5 — 31)| = |A + BI|.
Ta goi M la trung diém ctia AB, khi d6 Al + BI = 2M1.
Vay
lw — 10 — 6i] = 2M 1 = 2/ IA2 — AM? = 2/52 — 42 = 6.
Tit d6 suy ra quy tich diém biéu dién w 1 dudng tron tam (10;6) va
ban kinh bang 6.
Chon dap an @ O
~ P . . » ~ ’Z 2 . 2(«2 + Z) . ., 2 Q
Cau 1378. Cho so phiic z = a+bi (a,b € R) théa man — +2iz + =7 = 0. Tinh ti s0 7
2 —
3 3
A 5. B. —. C. —. D. —5.
) )
Loi giai.
Ta c6
2 9 . = . .
BE g 264D g 22 g, et D40
z —1 z 2
SzZ+2izt+z+iz+i—-1=0
& Z+2)+3iz+i—1=0
& (2a—-30b—1)+Ba+1)i=0
2a —3b=1
~
3a+1=
1
a=—=
. { :
b= 2
5
1
. 9 3
9
Chon dap an O
Cau 1379. C6 bao nhiéu s6 phiic z théa man |z — 3i| =5 va : 1 1a s6 thuan 4o0?
A. Vo s6. B. 2. C. 1 D. 0.
L3i giai.

Diéu kién xac dinh z # 4. Dat 2z = a + bi véi a,b € R. Theo gia thiét ta c6

o= 3il =5 = |at (b-3)| =5 a>+ (b 3)* =25,
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- a+ bi (a+bi)(a—4—0b) a®—4a+ b —4b ,
Lai co: = - = = + 1.
z—4 (a—4)+bi (@ —4)%2 4+ ? (a—4)?24+0  (a—4)2+b?
Theo gia thiét, suy ra a® — 4a + b*> = 0.
Ta c6 hé 5
a?+ (b—3)* =25 a=4+-b
= 2
a* —da+0b* =0. 1307 + 24b = 0.
16 24 . N 16 24
iai he =4b=0vaa=—,b=——. 4 13 s0 thuan donén a = —;b = ——.
Giai hé ta dugc a ,b=0vaa 13,b 13 Vi z # 4 la s0 thuan a0 nén a 13,() 13
Vav 7 — 16 24,
VETI T "
Chon dép an (C) O
Cau 1380. S6 phiic nao dudi day théa man phuong trinh (1 — 2i)z = 3z — 2i?
1 1 1 1 1 1 1 1
A z=—-+—i. B z=—+-i. C.z=——-1i. D z=—-——i.
z 5 + 22 z 1 + 42 z 1 42 z 5 22
Loi giai.
Ta c6
(1-2)z=32—2 < (1—2)z—3z=—2
& (—2-2i)z=-2i
o . -2 1 N 1.
T o2 277
Chon dap an (A) O
Cau 1381. Cho hai s6 phiic 2, 25 thda man |z + 25| = 1, |21 — 22| = 2 va Ay, Meénh dé nao
22
sau day duang?
A2 < || <3. B. 3 < || < 4. C. 4<|%n|<6. D. 1< |n|<2.
Loi giai.
5
Ta c6 2 (|Zl|2 + |ZQ|2> =z —nll+|la+tnl=5=|au’+ | = 3
Ma ? — 4o |n| =4n| o |a) = 16|
2
5 2 40
il rlmr=s A= 10
Vay ta co 2 & = |z1| =24/ —=.
Al =161 | Jalf = 2 7
34
Chon dap an @ O
Cau 1382. Cho sb phiic z ¢6 modun bang 1 va ¢6 phan thuyc bang a.
) 1
Tinh bieu thiic 2* 4+ — theo a.
z
A. 8a® — 3a. B. 8a® — 6a. C. a® + 6a. D. a® + 3a.

Loi giai.
Gidstz=a+bi,taco |z|=1eVa2+P=1d+P =1 =1-d.
Ta co

1 z3
VASEYA

3
= (a+bi)®+ (a—bi)’ =8d® — 6a.

Chon dap an O

=347
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2
. , . -1

Cau 1383. Cho s0 phiic z théa méan dieu kién |z| =1 vA z ¢ R thi :

A. Lay moi gia tri phic. B. Lay moi gia tri thuc.

C. Bing 0. D. La s6 thuan ao.
Loi giai.
Giastz=a+bi=Z=a—bi = 2z—2Z=2b.
Tacoz-z=|z]>=1.

. 22=1 2’z2-7 2-7Z _ s A 1Al 2
Ta lai ¢6 = — = = z — 7z = 2bi 1a s0 thuan 4o.
z zZ-Z 1

Chon dap an @ O

Cau 1384. Cho z va w la hai s6 phiic lien hgp théa man i? Ia s6 thic va |z — w| = 2v/3. Ménh dé
w

nao sau day la dang?

A 3 <z <4 B. |z] <1 C. 1<z <3 D. |z| > 4.
L3i giai.
T gid thiét ta c6 z = w,w = Z, |2| = |w|.

Tz —w| =23 (z—w)(Z-0) =12 & |2 +|w|* —20—2w =12 & 2|2 =22 —w? = 12 ().

Do % laséthu?cnén%:%:_iz. Tfrdésuyra%:%hay
23 :ww?’(:)(z—w) (z21—11)— 2w —IU—JwQ)ZO. v
Vay 22 4+ w? = —zw = — |z|°>. Thay vdo (%) ta duge |z|* =4 < |2| = 2.
Chon dap an @ O
Cau 1385. (6 bao nhieu s6 phiic z thdéa man |z + 2 + 3i| = 5 va - 5 1a 86 thuan 4o0?
A. 2. B. vo s6. C. 1L D. 0.
Loi giai.
Goi 2 = a + bi, (a,b € R). Dieu kién z # 2.
Tacé |z +2+3i| =5 (a+2)2+ (b+3)? =25 (1)
Va2 atbi (a+bi)(a—2—bi) _ a® — 2a + b* + 2bi _ a’ —2a +b? N 2bi
z2—2 a—2+b (@ —2)% + b? (a —2)% + b? (@a—=2)2+0b  (a—2)240
12 s6 thuan 4o nén c6 a* — 2a + b* = 0 (2)

(a+2)?+(b+3)*=25 a’? +b* +4a+6b—12=0
T (1) va (2) ta c6 he &

a2 —2a+b =0 a’?+ b —2a=0

a=1
a=1
b=1

a4+ b —2a=0 a®+(2—a)*—-2a=0
=4 = = a=2 &
6a +6b—12=0 b=2—-a a=2
b=2—-a
| Lb=0.
a=1 ,
Vé6i { ta dugc z = 1 + ¢ thda man.
b=1
a=2 ) N
Véi { ta dugc z = 2 khong thoa man dieu kién, loai.
b=0
Vay c¢6 1 s6 phitc z thda man yéu cau bai toan.
Chon dép &n (C) O

R R . 2|z|? —
Cau 1386. Tich phan thuc va phan ao cta so phic z thdoa man @ +iz+ 1—2 =—-142i1a
Z

— 1
A 1. B. 0. C. —/3. D. V3.
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Loi giai.
Ta ¢6 phuong trinh

z l
2 ] = —1+2
SR i
sr(atit )=t e (21 2) = (24 di)ie =
1—i/ 2 2 2 2/ \2 2 -
Vay z = i, suy ra tich phan thyc va phan 4o bang 0-1 = 0.
Chon dap an O
Cau 1387. Tap hop diém biéu dién sb6 phiic 2 théa man =3 duong nao?
z—1

A. Mot duong thang. B. Mot duong parabol.

C. Mot duong tron. D. Mot duong elip.
Loi giai.
Cach 1: Gia st z = a + bi trong d6 (a,b € R, z #1).
T gid thiét ta co:

, 2, 12 2 2 2 2 2 9 9
lz| =3z —i|l < a"+b°=9a"+9(b—1)" < 8a”+ 8" —18+9=0<a" + b—é =5l
Do d6 tap hop bicu dién diém z 13 mot duong tron.
Cach 2: Goi A, B lan lugt la diém biéu dién ciia z, ¢ trong mit phang phic.
Khi d6 AO = |z| va AB = |z —i|.
Tu dé bai ta c6 — = 3.
é bai ta ¢6 AB. 7 ,
Nhu vay, tap hop diem A la duong tron Apollonius ctia doan thang OB véi ti so 3.
Chon dap an @ O
2\ (2!
Cau 1388. Cho hai s6 phiic 21, 29 théa man |21 — 23| = |21| = |22] > 0. Tinh A = (—1) —|—<—2) :
z9 21

A 1 B.1-—q. C. -1 D. 1+
Lai giai.
Cach 1: Do |z1]| = |#22] > 0 nén 2z, z; # 0.
Tit dang thitc |2; — 25| = |21] = |22], ta c6 2 1‘ — |2 =1

Z9 Z9

Z Z 2 ~ .
Dt w = == Bai toan trd thanh: Cho s6 phitc w théa man |w — 1| = |w| = 1. Tinh A = w* + —-
Z9 w

Trong mit phing phic, ta goi A, B lan lugt 1a cac diém biéu dién ctia s6 phic w, 1.
Khi d6 |w| = OA,1 = OB,|w — 1| = AB. Suy ra AOAB la tam giac déu.
..o 1 3 1 3
Do d6, w chi ¢6 the la 3 + 2\/7— hoac 3 zg
Khi d6, ta luon c6 wwv =1, w + @ = 1 va (w —w)* = —3.

Ta c6
A (wro L 2+2— 2w 2= (w-w) (wHw)’+2=12(=3)+2=—1
= v - = (w w ) =(w—w)" (w+w = =—1.
Cach 2: Goi A, B lan luot la diém biéu dién cac s6 phiic 21, 2, trong mat phéng phic.
Khi d6 |21] = OA, |2s| = OB va |21 — 23| = AB. Suy ra AOAB la tam giac déu.

Khong mat tong quat ta cd thé gid sit z; = 7 (cosp +ising) va 2o = r(cost) +isine)) trong dé
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7“>0vag0—77/}:z

3"
Ta co
S cos(p — 1) +isin(p — ) = COS =+ isin —.
z9 3 3
2~ cos (Y — @) +isin (¢ — ) = cos <—E> + isin (—i) .
21 3 3
4 4
4 4 4 4
Vay A = (ﬂ) + (Q> = (COS—7r + i sin _7r> + (cos (—l> + i sin <__7r>> =—1.
29 2 3 3 3 3
Chon dap an (C) O
N ) 2—9;
Cau 1389. Tim phan 4o ctia so phic z = 92..
2 52 b+ 21 21
A. —5—. B. — C. ——. D. —.
37 37 37 37
Lai giai.
2—9 (2—9)(1 — 61) 52 21,
<= = = -z — o=t
1+6i (14 6:)(1—69) 37 37
Chon dép an (C) O
R R . 3—1 24
Cau 1390. Tim phan thuc, phan 4o ctia s0 phic z = 1 +Z, + + L
i i
A. Phan thyc 1a 2, phan 4o 1a —4. B. Phan thyc 1a 2, phan o 1a 4:.
C. Phan thuyc 13 2, phan 4o la 4. D. Phan thyc 1a 2, phan 4o 1a —4i.
Lai giai.
3—1)(1—1 2+1)(—1 ) N N
Ta c6 z = ( 2)2( ) + 2+ 21)( ) = 2 — 44. Vay s0 phiic z c6 phan thuc la 2, phan ao la —4.
Chon dap an @ O
Cau 1391. Cho s6 phitic z = a+bi, v6i a,b € R, théa man (1+14)z+2z = 3+2i. Tinh S = a+b.
A.S:%. B. S=-1. C. S=1. D.S:—%.
Lai giai.
Ta c6
(14+4d)z2+22=3+2i
= (1+z’)(a+bz’)+2(a—bi) =342
& Ba—-b)+(a—b)i=3+2i
3a — b =3
-
a—b=2
@ {
Dod6o S=a+b=—1.
Chon dap an O
Cau 1392. Cho s6 phiic z théa méan (1 + 2i)z = (1 + 2i) — (=2 + ). M6-dun clia z bang
A. 2. B. 1. C. V2. D. V10.
Loi giai.
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34
Taco (1+2i)z2=(142i)—(—24+i) < (14+2)z=3+i& 2= 1_:_22 =1-—1.
i
Vay |z| = V2.
Chondépén@ O

Cau 1393. Trong mit phang phiic, cho s6 phitc z théa man |z — 1 +i| < V2. Khéng dinh nao sau
day dang?

A 2+ 1] < V2 B. |z 4+ < V2. C. |2z +1—4 <2 D. |22 — 1 +i| < 3V2.
Lo giai.
Ta c6 tap hop diém biédu dién s6 phitc z théa [z — 1 +i| < 4/2 1a hinh tron (1) tam I(1; —2) ban kinh

r=a.

2 2 ~ 7z 1 1
Tap hop cac diem biéu dién s6 phiic 2z thoéa |2z — 1 + 1| < 3v/2 1a hinh tron (2) c6 tam I, (—; ——) , T =

2 2
3v2
2 ' Z NS
Nhan thay hinh tron (1) nam trong hinh tron (2).

Chon dap an @ O

14 i)\ 208 1 — ;) 2018
Cau 1394. Tinh s6 phiic z = <1 ) + ( ) c6 két qua la

—1 1+

A. 2. B. -2 C. 2. D. 1+
Loi giai.
5 = Z‘2018 + (_Z‘)2018 ——
Chon d4ap an O
Cau 1395. Cho hai s6 phiic z; va 23 thoa man 2y, 29 # 0 v 25 — 22125 + 222 = 0. Tinh 2|

<1
1
A |2 =B B. | 2| =2v2. c. 2= —. D. | 2| =2
Z1 21 21 2v/2 21
Loi giai.
2
22z 22 =0 & <@> —2<9> 12=0e 2 =1+i= |2 =2
<1 Z1 <1 <1
Chon dap én (D) O
Cau 1396. C6 bao nhieu s6 phiic z théa man |z] =1 va Z4 E‘ =17
z 2z

A. 6. B. 4. C. 10. D. 8.
Loi giai.
e Gidstz=a+yivéiz,ycR Taco|z| =122 +y?=1.

= 2 =2 1
S DNk o BN R T DI SR R DI ST Sy
zZ oz 12| - [Z] 2
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V3 1
I_Tvy_i

27 2

V3

'T__Tvy_ﬁ

4yt =1 x2=§,y2=1 xz—ﬁ,yz—l

e Ta c6 , 1 & ‘11 §<:> 2 2
r =Yy ==L3 2t =yt = JE:ly:\/_g
4 4 9’ 9

1 V3

$:§ay:_7

1 V3

m__§7y_7

R L

P Ty YT Ty

e Vay c6 8 s6 phitc théa man yéu cau bai toan.
Chon dap an @ O

Cau 1397. Gia st

o~ ot b b ER Khido
—1

1 —1 1 1 1
Ala=—;b=—. B.a=0;b=—. .a=—;b=0. D.a=b=—.
a 32,b 5 a=0;b % C.a 32,b 0 a="> %
Loi giai.
Taco (1—i)2=1—-2i+2=-2i=(1—i)*=4=(1—1i)8=16.
Khi do
I R
(1—14)° 16(1—4) 32 °
1
Vay a = b = —.
wa 32
Chondépén@ OJ

Cau 1398. Cho cac s6 phtic z théa man |z — 1| = 2. Biét riang tap hdp cac diém bicu dién cac s6
phiic w = (1 + \/gz) z + 2 la mot duong tron. Tinh ban kinh R ctia duong tron do.

A . R=4. B. R =16. C. R=8. D. R=2.
Loi gidi.

Ta cb

w—2=(1+3i)z

- w— 2
=z
1+3i
w— 2
= —1=2z-1
1+/3i
N w—3—/3i L]
—_— | = |z —
1+ +/3i

& Jw—3—V3i|=|z—1] |14+ V3i| = 4.

T do suy ra ban kinh R = 4.
Chon dap an @ 0
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Cau 1399. Cho sb phtic z, biét ring cac diém biéu dién hinh hoc ctia cac s6 phiic z;iz v 2 + iz tao
thanh mot tam gidc c6 dién tich bang 18. Tinh mo-dun ciia s6 phiic z.

A. 2V/3. B. 3v2. C. 6. D. 9.
Loi giai.
Gia st z = a + bi, v6i a, b 1a s6 thuc. Goi M, N, P lan luot 1a diém biéu dién sb phtc z,iz v z + i2.
Khi d6 M(a;b); N(=b;a); P(a — b;a +b).
Suy ra MN = /2 (a2 +b%); NP = PM = v/a® + b2.
Suy ra tam giac M N P vuong can tai P.
TacéSAMNp:18(:)%-NP-PM:18<:>a2+b2:36<:>|z|:\/mzﬁ
Chon dép an (C) O

Cau 1400. Cho s6 phiic z = a + bi (v6i a,b 1a s6 nguyen) théa man (1 — 3i)z 1a sd thuc va
|z — 2+ 5i| = 1. Khi d6 a + b bang
A 9. B. 8. C. 7. D. 6.
Loi giai.
Taco (1—3i)z=(a+3b)+ (b—3a)i,Zz—2+5i = (a—2)+ (5—b)i.
Theo bai ra ta c6 hé phuong trinh

b=3a
b—3a=0 b=3a 7 a=2
& & a = — (loai) =
(a—2°+(B-b*=1 5a> —17a+14 =0 5 b=6.
a=2
Vay a + b = 8.
Chon dap an 0
R . . 1414)3i
Cau 1401. Tim phén &o clia s6 phiic 2, biét 2 — %
—1
A. 3. B. -3. C. 0. D. —1.
Loi giai.
144)3i  3(—-14=1 R .
Ta c6 z = ( 1+Z>, Lo (1 +Z> = —3 = Z= —3+ Ou. Vay phan 4o ctia z bang 0.
—1 —1
Chon dap an @ 0
. . 1 1 .
Cau 1402. Trong mat phang phtc, xét hinh binh hanh tao bdi cac diem 0, z, — va z + —. Biet z ¢6
z z
. .35 ) 17
phan thuyc duong va dién tich hinh binh hanh bang 37 Tim gia tri nhé nhat cta |z + —| .
z
22
A B %, c. 2 p. 20
20 37 9 27
Loi giai.
N 2 )4 ~ Z 1 1
Goi O, A, B, C lan lugt 1a cac diem biéu dién cua so phic 0,2z, —, z + —. Yy
z z
Khi d6, dien tich hinh binh hanh OACB la 4
1 35 35
S:OA-OBsina:M-‘; sinazﬁﬁsinazﬁ. C
S — /1 —sifa =tz
uy ra, cos o = —sin‘o=*. 0 "
B
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Ap dung dinh 1y co-sin trong tam gidac OAC, ta c6
2

1
24+ -] =0C?=0A*>+0B?> -20A-0OBcosa
z
, |1 1
=|zI"+|-| —2|z||=|cosa >2—2cosa.
z z
) 12 12 12 50
— N& = Zthifz+-| >2-2. ==,
€u cos o 37 12—1—2 37 37
) 1% 12 98
— Né = —— thi | =242 — =—.
€u cos o 37 1 z—l—z + 37 37
17 . . 50 12
Suy ra, 2t nhé nhat béng3—7khi |z] =1 va cosa = o
Chon dap én (D) O

Cau 1403. Trong tap cic sb6 phiic, cho phuong trinh 22 — 4z + (m —2)2 = 0,m € R (1). Goi mq 1
mot gid tri ctia m dé phuong trinh (1) ¢6 hai nghiém phan biét 21, 2o thda man |z | = |2,|. Héi trong
doan [0;2018] ¢6 bao nhiéu gia tri nguyén ctia my?

A. 2019. B. 2015. C. 2014. D. 2018.
Loi gii.
A =4—(m—2)*=4m —m?
Néu A’ > 0 < 0 < m < 4 thi phuong trinh (1) luon c6 2 nghiém thiyc phan biét 2y, 2o.

21 = 2
Khi d6 |z1| = |2| & T (Diéu nay khong xay ra).
21 = —29 & 21+ 29 = 0.
. m >4
Néu A’ <0< thi phuong trinh (1) luén ¢6 2 nghiém phtic phan biét 2y, zo.
m < 0

271 =2+ vVm2—4m.iva 2o =2 —vV/m? —4m.i
= |z1] = |22| = V4 +m? —4dm = |m — 2|.

m >4 R
Vay { thi phuong trinh (1) c6 2 nghiém phan biét zq, zo théa man dieu kién bai toan.

m < 0
Két hop dieu kien suy ra 4 < m < 2018, suy ra c6 2014 s6 mg nguyen théa man yéu cau bai toan.
Chon dap an @ O
Cau 1404. Tinh tong S = 1+ 43 45 + - - - 4 2016,
A S=1. B. 5=-1. C. S=i. D. S=—i.
Loi giai.
Ta c6 1,43,4%,...,4%°16 13 mot cap sd nhan c6 673 sé hang véi u; = 1 vi ¢ = % nén
1 — (1'3)673 1— ’i3 . (_Z’>672 1 — Z'3
S pu— " = - pu— R pu— 1
1—243 141 141
Chon déap an @ OJ
~ N > > Z P 1 - (1 - i)33 . N
Cau 1405. Phan 4o ctia so phtic z = — +(1—-2i) 1a
—1
5 5 3 3
A —. B. —i. C. —i. D. —.
2 2’ 2’ 2
Loi giai.
3 5 3 5 3 5
i= 1 —(1—@')32+1+2z’:§+§z’—(1—z‘)32:§+§z’—(—2¢)16:§+§z’—(—4)8.

N . 5
Vay phan &o ctia so phtc z la 3

Suu tam € bién soan Th.s Nguyén Chin Em 358 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Chon dap an @ O

Cau 1406. Trong mat phang véi he truc toa do Oxy, cho s6 phiic 2z thda man |z — 1 + 2i| = 3. Tap
hop cac diém biéu dién cho s6 phitc w = z(1 + ) la dudng tron nao dusi day?

A. Tam I(3; 1), R = 3V2. B. Tam I(-3;1), R = 3.
C. Tam I(—3;1), R = 3v/2. D. Tam I(3;-1), R = 3.
Lai giai.
Tacow=z(1+i) ez = # Thay = vao didu kien |2 — 1 + 2i| = 3, ta dugc
]
w . 1 .
‘ -—142i|=3 & ‘—,‘~|w—3+z|:3
142 1414

& |w—3+i =3V2
Gia st s6 phiic w = z + yi, x,y € R. Ta dudc
(z =3+ (y+ 1) = (3v2)".

Vay tap hop ciia s6 phiic w 1a dudng tron tam I(3; —1), ban kinh R = 3v/2.

Chon dap an (A) O
Cau 1407. Trong mit phing toa do Ozy, diem M biéu dién cho s6 phiic z théa man (1 —1i)z + (2 —
i)2=5—4i la

A. M(1;1). B. M(1;2). C. M(1;-1). D. M(-1;1).
Loi giai.
Ta ¢6 z = 5_4i1__(?_i>2 —14i=M=(1;1).
Chon dap én@ 0

Cau 1408. Cho i + 22 4+ 333 + - - - + 2018i?°'® = a + bi v6i a, b € R va i 1a don vi 4o. Ménh dé nao
sau day duang?
A. a=-1010. B. a = —-1009. C. a = 1010. D. a = 1009.
Loi giai.
Xét ham s6 f(x) =1+ + 22 + 23 + - - + 22018,
f(z) =142z + 32% + - - + 20182%°'".

= of/(x) = x + 227 4 32% + - - - 4 2018z (1)
2019
-1
MétkhéC:f(x):1+x+x2—|—x3—|—~~.+x2018:x 1
x J——
f,<x> _ (12019 . 1)/ _ 20191,2018(1. o 1) _2 (12019 _ 1) .
r—1 (x —1)
20192208 (1 — 1) — (2209 —
=uzf'(z) =2 ) Bl € ) 2)
(1)
201922918 (¢ — 1) — (22019 _ 1
Tit (1) va (2) = 2 + 202 4+ 32% 1+ + 201822015 = 20 1) (@ ) (3)
(1)
Thay x =i vao (3) ta duge
20195208 (; — 1) — (42019 — 1
P 207 4+ 3% 4+ 20187018 = . (Z(, )1)2 (i ) — 1010 + 1009s
’l/ J—
Vay a = —1010.
Chon dap an @ O
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Cau 1409. Trong mit phang toa do Oy, goi (H) 1a tap hop diém biéu dién s6 phiic w = (1 + \/52) 2+
2 théa méan |z — 1| < 2. Tinh dién tich ctia hinh (H).
A. 8. B. 187. C. 16m. D. 4r.
Loi giai.
Ta coé6 w = (l—i—\/gi) (z—l)+3+\/§i@w—3—\/§i: (1+\/§i> (z—1),
Lay mo-dun 2 vé, ta duge |w — 3 — v/3i| = [1 +V3i| - [z — 1| < 2-2 =4.
Do do6, (H) la hinh tron ban kinh 4 nén dién tich hinh (H) bang 167.
Chon dap an @ O

Cau 1410. Cho z va w 1a hai s6 phtc lien hop théa man % Ia s6 thite va |z — w| = 24/3. Menh dé
w

nao sau day la dang?

A |z < 1. B. 3 < |z <4 C. |z| > 4. D. 1< |z| <3.
Loi giai.
T gid thiét ta c6 2 =W,z = w va |z| = |w|.

Ti|lz—w| =26 (z-w)Z-0) =4 2P+ |wf -0 -Zw=4&2]2P -2 -2 =4 (%)

Z s A & 2 2 ds = _w
Do — la s0 thuc néen — = = —. Tu do suy ra — = —, hay
w w w w z

P =we (z—-w)(2* — 2w+ w?) =0.

Vay 2% + w? = zw = |z]%. Thay vao (x) ta c6

2P =4 & |z| = 2.

Chon dap an @ O
Cau 1411. Tim phan 4o clia s6 phiic z = 2017 — 2018i.
A. —2018. B. 2017. C. 2018. D. —2018;.
Loi giai.
Phan 4o ciia z = 2017 — 2018 1a —2008.
Chon dap an @ O
) N € .0 IS
Cau 1412. Cho so phtic z thoa man z = T Tinh mo-dun cua so phiic Z — iz.
A. 8V2. B. 8. C. 16. D. -8.
Loi giai.
Ta c6Z = —4+ 4i, suy ra 2 = —4 — 4i. Vay |Z —iz| = | — 8 + 8i| = 8v/2.
Chon dap an @ O

Cau 1413. Cho s6 phic z = a + bi (a,b € R) thod man (1 — 3i)z + (2 + 3i)z = 12 — ¢. Tinh
P =a® - b

A. -3. B. —1. C. 1. D. 3.
Loi giai.
Ta cb

12—i=(1-3)z+(2+3i)z= (1 —3i)(a+ bi) + (2 + 3i)(a — bi)
= (3a + 6b) — bi.
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Do dé

3a + 6b =12 a=2
=
b=1 b=1.

Vay P =a? — b3 = 3.

Chon dap én@ O
Cau 1414. Cho hai s6 phiic 2 = 1+ 2i, 25 = 3 — 4. Tim s6 phitc z = 2.
21
17 1 7 1 7 17
A 2= — 44 B. 2= -+ i C.o=-—1% D 2=—— 4
T 10 =5ty “T5 75 TRk
Lai giai.
Tacéz:ézzz'i:(3_2?(1_22?:1_7221—Zi.
2 z-zm (L4201 —20) 5 5 5
Chon dép an (C) O

Cau 1415. Trong mit phang toa do Oxy, goi (H) la phan mat phing chia cac diém biéu dién céc
. ‘ 1 . . N .
sO phtic z thoa man % va — ¢6 phan thyc va phan 4o deu thuoc doan [0; 1]. Tinh dién tich S cia

Z
(H).

A. S = 256. B. S = 64r. C. S =16(4 — 7). D. S = 32(6 — 7).
Lo giai.
Gia st s6 phiic z = a + bi v6i a,b € R.
Vi % ¢6 phan thyc va phan 4o thuoc [0;1] nén 0 < a;b < 16.

16a  16b
; <1
a? + 0%’ a? + b2
16a < a* + b* {(a—4)2+b220

16b < a® + b? >+ (b—42>0 v

Suy ra, mién (H), mién biéu dién s6 phtic z 14 mién ma sau khi 1y hinh vuéng bé di hai nita hinh

16 . .
Vi — ¢6 phan thyc va phan 4o thudc [0;1] nén 0 <
Z

T day ta rat ra hé thiec: {

tron nhu hinh vé bén. .
Ta ¢6 SH:16~16—8~8—§~647T:192—327?232(6—7?).

Chon dap én (D) O

2
Cau 1416. Trong mat phang toa do Ozy, cho hinh tron (C): 22 + y? = 8 va parabol (P): y = T

chia hinh tron thanh hai phan. Goi S; 1a dién tich phan nhd, S, 1a dién tich phan 16n. Tinh ti 526
S,
So
i:37r+2 i:37r—|—2 Ci:3ﬂ—2 D&:?ﬂr—i—l
Sy 9r—2° Sy 9w+ 2 Sy 9w+ 2 Sy 9r—1°
Loi giai.
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2

x
o Y= y=2

Xét hé phuong trinh 2 & . y 72
2 2 _ r =12 ==
r+y =8 Y 5

Phuong trinh nita duong tron phia trén Oz la y = v8 — 22, X-----1-----°

2 | |

2 : :

Khi d6 S, = / <\/8 - %) dx. : :

-2 -2 0 2 z

Trong do

8(1 —sin%t) - 2v/2 cos t dt

|
B~

2
/\/8—x2da::
2

= 8 [ cos®tdt =4 [ (1+cos2t)dt =27 + 4.

|
’M:‘\Mﬂ
|
.J>|:|\M:, IS

8 4
Khi d6 Sy =27 +4 — 3 =21 + 3 Hinh tron c¢6 ban kinh R = +/8 nén c6 dién tich 1a 8.

4) 4 Si 3m+2

D0d652:87r—<27r—|—— =6r — =. Vay —

3 3 Sy 9r—2°

Chon dap an @ O
Cau 1417. Tim toa do diem M la diém bicu dién s6 phiic z biét z théa man phuong trinh (1+4)z =
3 — 91.

A M(=1;4). B. M(—1;—4). C. M(1;4). D. M(1;—4).
Loi giai.
. 3—5i : .
Ta c¢6 z = 1T =—1—4di=z=—-1+4i= M(-1;4).
i
Chon dap én@ 0

Cau 1418. Phan thuc va phan ao ctia so phtc z =

lan lugt bang bao nhiéu?
—1

V3 -1 a\/§+1 V3 -1
V .

1
C. V31

A V3—-1va+v3+1. B. vav3+1. D.vV/3—-1va

2 2 2 2
Loi giai.
Ta c6
V34+i  —1+v3 1443,
z = — = + 2.
1—1 2 2
R R . R . 3—1 3+1
D6 do6 phan thyc va phan &o ctia s6 phiic z lan lugt bang \/—2 va \/—;L .
Chon dap an O
Cau 1419. Trong mat phéng toa do Oxy, tap hop cac diém biéu dién cac sé phiic z théa man diéu
kien | —— ‘ =31a
z—1
9
A. Duong tron z2 + y? — Vil 3= 0.
9 9
B. Duong tron x2 + y% — i + 3= 0.
9 9
C. Dudng tron 22 + 3% + Vi + 3= 0.
9 1
D. Duong tron tam [ (0; §> va ban kinh R = 3
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Loi giai.
Gid st z = v+ yi (z,y € R).
Ta co
z
=3
z— 1‘
& |z =3z -1
& 2+ =9z —1)* + 9y
& 822 +82—182+9=0
9 9
2 .2
& - - - =0.
oty 4x+ 3
Chon déap an OJ
~ X - 2 ~ . 2(1 + QZ) . s ~ 2 S 7
Cau 1420. Cho so phtic z thdéa méan (2 + i)z + ¥ - 7 4+ 8i. Tinh mo-dun cta s6 phiic
i
w=z+1-—2.
AT B. V7. C. 25. D. 4.
Loi giai.
Ta co
2(14+ 22
(2+i)z—l—% =748 (2+1)z2+3+i=T7+8i
1
S 244d)z2=4+T
4+ Ti
z = + ,Z =3+ 2.
2+
Suyraw=24+1-2i=3+2i+1-2i=4= |w|=4.
Chon dap an @ O
Cau 1421. Cho s6 phtic z théa man (1 + 2i)z = 8 + ¢. S6 phiic lien hgp z clia z 1a
A z=-2-3i B. z=-2+3i. C.z2=2+3i. D. z=2-3i.
Loi giai.
. . . 8+1 S .
Taco (1+2i)z=8+i<z= - =2-3i=ZzZ=2+3i.
142
Chon dép an (C) O
R . 3
Cau 1422. Tim phan ao cta so phtc z = —.
i
A —1. B. 1. C. -3. D. 3.
Loi giai.
—3i . .
Tacoz=—-<z= —2Z = —3¢. Phan 4o cua z bang —3.
i —1
Chon dap an @ 0
. . 2 . .
Cau 1423. SO phitic lién hgp cua so phiic z = T la s6 phtic nao trong cac so phic dudi day?
i
—2 —2
A. - B.1—i. C. - D. 1+:.
1—1 1+
Loi giai.
2 2(1—1) _ .
T A = = — 1 — 0. S z = 1 .
acoz 11 +i)(1—19) 1. DUy ra z +1
Chon dap an @ O
2 N N z 5‘ N
Cau 1424. Tong phan thuc va phan ao cua so phic z = +_ ! bang

7
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A. 3. B. —2. C. 2 D. -3.
Loi giai.
bat z =a + bi, v6i a,b € R.
) 145 5 1,
Ta co z = — = — — —1.
522 21 2
S =—,b=—-.
uy raa =g, 5
Vay a + b= 2.
Chon déap an @ O
Cau 1425. Cho s6 phitc z = 2 + 3i, khi d6 = bing
Z
o e 1o 54 19 e
A 2T i c. 212 p. 20
13 13 13 11
Loi giai.
_z 2+43i (2 + 3i)° 44120+ 92 -5+ 12i
Ta co6 — = - = - ~ = . =
z 2-3i (2+3i)(2-3i) 4 — 9i? 13
Chon dap an @ O
Cau 1426. Tinh mo-dun ctia 6 phtic thod man: z (2 —4) + 13i = 1.
V34 5v 34
A |z] = 5 B. |z| = — C. |z| = 34. D. |z| = v34.
Loi giai.
1—13
Taco: 2 (2—i)+18i =162 = — > =35
—1
Khi d6 |z] = /32 + (—5)? = v34.
Chon dap an @ O
. . 3+ 4i
Cau 1427. Tim s6 phiic 2 biét 2 — %
i
A z=4-3i B. z=—-4+ 3. C. z2=3—4. D. z =3+ 4.
Loi giai.
Ta c6: 2019 = - 2018 = . (7)™ =i (—1)10%9 = —j,
. 3+4i  3+4i .
KHi d6: z = o S —4 4 3i.
Chon dap an O
. 2 —3i .
Cau 1428. SO phiic z = T ,Z ¢6 mo-dun bang
i
V26 V26
Loi giai.
2 — 3 1 5 1\? 5\ V26
Ta c¢6 z = ,Z = —— — —i. Khi do, |z| = (——) + (——) = —.
1+ 2 2 2 2 2
Chon dap an @ O
~ I R R W Z+ 21
Cau 1429. Cho s0 phtic z = 1 4 4. Tinh mé-dun ctia so phic w = T
Z —
A jw| = V2. B. |w| = V3. C. |lwl=1. D. |w| = 2.
Loi giai.
1—i+2i
W= +i= |Jw| =2
Chon dap an @ O
. A . 3—i 241
Cau 1430. Tim phan thuc va ao ctia s6 phtic z = 1 +Z, + + !
i i
A. Phan thyc bang 2; phan 4o bang —4i. B. Phan thyc bang 2; phan 4o bang —4.
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C. Phan thyc bang 2; phan 4o biang 4i. D. Phan thyc bang —2; phan 4o bang 4.
Loi giai.

_Bodit@rIO+) 2460

(1+14)i —1+41

Chon dap an O
Cau 1431. Tim s6 phiic z thoa man (3 +14)z + (1 + 2i)z = 3 — 4.

A z=2+ 5. B. z2=2+ 3. C. z2=—-1+5i. D. z=-2+ 3.
Loi gidi.

Goi z =z + yi,(x,y € R)
(3+i)Z+ (1+2i)z =3 — 4
& B+i)(z—yi)+ (1+20)(z+yi) =3 —4i
& dr—y+ Br—2y)i=3—4i

dr —y =3
3r—2y=—4
T =2
~
y=>
= z=2+5i.
Chon dap an (A) O

Cau 1432. Cho s6 phitc z thdéa man |z — 2i| = |z + 2|. Tinh gia tri nhé nhat ctia biéu thic P =
|z + 2i| + |z — 5 + 9.

A. V70. B. 4/5. C. V74. D. 3V10.
LaJi giai.
Goi z = z + yi,(z,y € R) y
|z —2i| = |z + 2|
+ A,; + + g
& (@ +yi) =2 = |z +yi + 2| ON 1 2 3 4
s 224+ (y—2)7=(+2)°%+¢ -1
<:> X + y == 0 ,// \\
-2 ¥ A \

P=1|z+42i|4+]z=5+9|=|z—(=2i)| + |z — (5= 9)]. , \
Xét A(0;—2), B(5;—9). Bai toan trd thanh cho diém M (z;y) \
thuoc duong thing = +y = 0. Tim gia tri nhé nhat cta tong '
MA+ MB. |
Goi A’ 1a diém déi xing ctia A qua duong thang z +y = 0 = \
A'(2;0) = A'B = (3;,-9) = A'B = 3/10. )
MA+MB=MA+MB > A'B. |
Vay gia tri nhé nhit cia P bang 3v/10. \
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Chon dép an (D) O
Cau 1433. Cho s6 phiic z théa méan (2+1i)z = 9 — 8i. Mo-dun ctlia 86 phitc w = z+ 1+ bang
A. 3. B. 5. C. 6. D. 4.
Loi giai.
. . . 9 -8 .
Taco (2+i)z2=9—-8i< z= - =2 —bi.
2+

Dodow=z4+1+1=3— 4.

Vay |w| = /3% + (—4)2 = 5.

Chon dap an O
Cau 1434. C6 tat ca bao nhiéu sb phtic z théoa man |z + 3i| = /13 va j_ 5 1a s6 thuan &o0?
z
A. 0. B. 1. C. 2 D. Vo sb.
Loi gidi.

Goi z=a+bi véia, beR.
— |2 +3il=VI3e a®+ (b+3)2=13 (1).

2 a+bi (a+bi)(a+2—0bi) a®+2a+b>+2bi (2 % —2)
J— — — — = z —4).
z2+2 a+2+bi (a+2)2+ b2 (a+2)2+ b2
— w la s6 thuan 4o & a®* +2a+0* =0 (2).
Lay (1) — (2) ta dugc 6a —2b =4 < a = 3b — 2.
b=10
Thay a = 3b — 2 vao (1) ta duge 106> — 6b =0 < 3
b=—.
5
—b=0=a=-2= z= -2 (loai).
3 1
—b:g:>a:—g:>z:—g+gi(nhan).
Vay c6 1 s6 phiic théa yéu cau bai toan.
Chon dép an (B) O
Cau 1435. Tinh modun ciia s6 phiic z théa méan (1+ 1)z + 3 = —24.
5 V26
A. ]z|:§ B. |z]:T C. |z] = vV26. D. |z] = V13.
Laoi giai.
) ‘ . ‘ . |—3-2i| VI3 V26
Taco (1+1i)z=—-3—2i,suyra|(l+1i)z| =|—3—2i|, hay |z| = — = = .
(1+i) yan [(Li)e] = | =3 =21 hay J¢] = et = 2 =
Chon dép an (B) O
. . . , ) . lz—1 L 2= 3 .
Cau 1436. Cho so phic z = a + bi (a,b € R) théa man - =1w -| = 1. Tinh
z—1 z+1
P=a+hb.
A . P=T. B. P=-1. C. P=1 D. P=2.
Loi giai.
T gid thiét ta c6
|z —1| =z —1| (a—1)2+b*=a*+(b—1) a=1b
& & Sa=b=1.
|z — 3i| = |z +1] a>+(b—32=a*+(b+1)? b=1
Vay P=1+1=2.
ChQﬂdépéﬂ@ O
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Cau 1437. Cho s6 phitic z théa 2z 4+ 3z = 10 4 i. Tinh |z|.
A |z| = 1. B. |z| = 3. C. |z| = V3. D. |z| = V/5.
Loi giéi.
Goi z =a+ bi v6i a,b € R.
Khi d6 tit gid thiét ta suy ra

2(a+bi)+3(a—bi) =10+

2a + 3a =10
=
2b—3b =

a =
=4
b=—1
Do d6 |z| = V5.
Chon dap én@ O
2 2 ~ Z P 12_5 17 7
Cau 1438. Tap hop cac diem biéu dién so phic z = z+yi v6i z, y € R thoa man ( Z)Z2+ , th =
z—2—1
13 ¢6 phuong trinh nao sau day?
A (d): 6x+4y—3=0. B. (d):xz+2y—1=0.
C.(O):az?+y*—2x+2y+1=0. D. (O): 2> +y?* —4x+2y+4=0.
Loi giai.
(12 = 5i)z+ 17+ Ti _ 13
z2—2—1 B
& |12 =5i||z + 144 = 13|z — 2 — 4|
S |z4+ 1414 =]z—2—1
& 6r+4y—3=0.
Chon dap én@ 0

Cau 1439. Cho s6 phitc z = a + bi (a,b € R,a > 0) théa 2z — 12|z| + (2 — Z) = 13 — 10i. Tinh
S=a+b.

A S=-1T. B. §=5. C.S=T7. D. S=17.
Lo giai.
Tu 2z — 12]z| + (2 — Z) = 13 — 10¢ 14y lién hop hai vé ta duge 2z — 12|z| + (Z — 2) = 13+ 100 ().
Khi d6 2|z|? — 24|2| — 26 = 0 = || = 13.
Tu(*)tac6z—Z2=—-10i =b=-H=a=12=5=T.

Chon dap an @ O
Cau 1440. Tim s6 phiic lien hgp ctia s6 phitc z théa (=7 + 6i)z = 1 — 2i.
19 8 19 8 19" 8 19 8
Az——"4 i Bzo-——_S°i Cz=—_2°%, D. 7= — 424
ST T “T 785 85 “T 8 85 =T
Loi giai.
1-92  —19+8 —19 8 ~19 8
Ta 6 (=7 +6i)z =1 — 2 < 2 = _ _ B L
8 6 (=7 +6i)z S Y 85 85 g5t VW AT g T g5
Chon dap an O
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1
Cau 1441. Cho z =1 + 3i. Tinh —.

z
1 3 1 1 1
L=+ . B. —i—i. ——il D.———ii.
10 10 10 10 10 10 10 10
Lo giai.
1 z 1—32 1—-3¢ 1 3 .
—_ = = = = — — —1.
: 2z (1+3)(1—-3) 10 10 10
Chon dap an (C) O
Cau 1442. Cho s6 phiic z = a +bi, (a,b € R) thoa man (1+1i)z+2z = 3+ 2i. Tinh S = a +b.
1 1
A.S:—g. B. S=1. C‘S:i D. S=-1.
Lo giai.
Ta co

(1+i)z2+22=3+2ie (1+i)(a+bi)+2(a—bi)=3+2i
< (a—0b)+ (a+b)i+2a—2bi =3+ 21
<3a—b+(a—b)i=3+2i

3a—b=
<~

a—b=

1

a==

N 2
b= 2
2

Vay T =a+b=—1.

Chon dap én@ O
Cau 1443. Cho s6 phiic z théa mén |z| = 5 va |z + 3| = |z + 3 — 10i|. Tim s6 phitc w = z—4+31.
A w=-1+T7i. B. w=-3+8&.. C.w=1+ 3. D. w=—-4+8i.

Li giai.

Gia st z = a + bi(a,b € R).
T |2] =5 & |a+bi| =5 a* +1* =25

|z+3|=|z4+3-10i] & |a+bi+3|=]|a+bi+3—10i
& (a+3)+b=(a+3)>+(b—10)

& b=05.
a>+ b =25 a=20
Tu &
b=5 b=>5.
Vay w=5i —4+3i =5i — 4+ 3i = —4 + 8i.
Chondépén@ OJ
Cau 1444. Cho s6 phiic 2; = a—2i, 2o = 1+bi. Tim phan 4o clia s6 phiic Z, biét 2124292 = 1+4.
a+b—1 a—b+3 b—a—3 l—a—>
. 5 5. B. 5 5. C. 5 5. D. 5 5
(a+1)"+(b—-2) (a+1)"+(b—-2) (a+1)"+(b—-2) (a+1)"+(b—2)

L&i giai.
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Ta co
1+ 1414
z —= —= -
214+2  a+1+(b—2)
I+ fa+1—(b—2)
(a1 (b-2)2
o at+1l4+b—2+(a+1—-b+2)i
B (a+1)2+ (b—2)?
at+b—1+(a—b+3)i
T i (-2
a+b—1—(a—b+3)i
=7z =
o+ 2+ (b— 27
. . b—a—3
Vay phan &o ctia so phtc 7z la (a—|—1)2j—(b—2)2'
Chondépén@ O
. 241
Cau 1445. SO phiic z = ba
" 11 20p - 4+3Zi1ang2; 11 2 11 2
A — — —i. B. — + - C. —+ —i D. — — —i.
25 25 5 5 25 25 5 5
Loi giai.
C6 » — 2—1—2'.:(2—1—2’)(4—32’):11—21':2_32,'
4+ 3i 42 + 32 25 25 25
Chondépén@ O
Cau 1446. Tim phan 4o ciia s6 phiic z thoéa man z + 2z = (2 —1)3(1 — i).
A. 9. B. 9. C. 13. D. —13.
Lai giai.

bat z =z +yi, v6iz, y € R.
z+22=02-0)(1—4) & z+yi+2x—yi)=(2—11)(1 —1)

3r = -9 r=-3
& 3r—yi=-9-1% & &
—y=-13

Vay phan 4o ctia s6 phiic z 1a 13.

Chon dép an (C) O
Cau 1447. S6 phiic z thoa 1 _Z -+ (2 — 3i) = 5 — 2i. Mo-dun ctia z bang
A. |z| = 10v2. B. |z| = V10. C. |z| = 250. D. |z| = 5V10.
Loi giai.
Ta co
- -

z
9 _ 8 — 5 _ 9 z .
4—3i+( 3i)=5—-2i & g 3+

& T=(3+i)(4—3)
& z=15-5i < 2= 15+ 5i.

Vay mo-dun ctia s6 phiic 2 1a |z| = /152 + 52 = 51/10.

Chon dap an @ [l

Cau 1448. Cho hai s6 phiic z =a+bi va 2/ =a' + i (2’ #0, a, d’, b, V' € R). S phiic 3/ c6 phan
z

thue 1a

Suu tam € bién soan Th.s Nguyén Chin Em 369 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

aa’ + bb’ B 2b C aa’ + b a+a
a2+b2' 'a/2+b/2' ’ a/2_|_b/2' 'a2+b2'

Loi gii.

z a+bi (a+bi)(a —0bi) ad +bV a'b—ab

2 a Vi a’? +b* a4 - a’2+b’21'

Chon déap an @ OJ

) 2 2 ' .
Cau 1449. Cho s6 phiic z = a+bi, (a,b € R) théa man |Z—+2iz+@ = 0. Khi dé % bang
z —1
A. 5. B. —% C. g D. —5.
Lo giai.

Thay |z|? = 2% vao biéu thiic § dé bai ta c6

- 5 : 5 (] g
SR G k) B S Y ) [ )
z 1—i (1 —4)(1+414)
& Z+2iz4+(1+9)z+i—-1=0
& ZHz+3iz+1—-1=0
& 2a+3i(a+bi)+i—1=0
& 20-3b—1+i(3a+1)=0
20 —30—1=0
-
3a+1=0
1
a=—=
N 3
b= -2
5
1
a —3 3
Vay — = —32 = =
Ty TR
Chon dap én@ O
. L s . —2—-3%
Cau 1450. Tim gié tri 16n nhat cta |z| biét rang z théa man dieu kién 2,2z+1‘:1.
—2i
A 2. B. 3. C. V2. D. 1.
Loi gii.
Ta co
—2—3i . . 1 1Y
—z+1ll=1e|-iz+1ll=1&|—i - |z—=|=1
3—2i [ —1 1 7
& |z +1i =1 T~
Gol z = x +yi (véi z,y € R) = M(z;y) ndm trén dudng tron tam g
I(0;—1), ban kinh bang 1 = gia tri 16n nhat cia |2| 1a 2.
—2
Chon dap én@ OJ
Cau 1451. Cho s6 phiic z théa man (2+i)z = 2+ 114. Tinh gid tri ctia biéu thic A = |z|+ [Z].
A. 5. B. V10. C. 10. D. V5.
Loi giai.
2411z
2+iE=2+1lio7= 2++_Z:3+4i:>z:3—42'.
i

Gi4 tri biéu thite A = |z| + [z] = 5+ 5 = 10.
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Chon dap an @ 0
Cau 1452. Tim s6 phitic z théa man (3 — 2i)z — 2 = z + 18i.
A z=—-445. B. 2 =4+ 5. C. z=4-"5i. D. z=—-4-5i.
Loi giai.
2418
Taco (3—2i)z—2=2+18i & » = 2+ 2,2 — 44 5.
— 2
Chon dap an @ O
Cau 1453. Cho s6 phitic z théa man |z| + z + 5i = 25. Khi d6 mo-dun z bang
A. 12 B. 10. C. 11. D. 13.
Loi giai.

Goi z =z +yi (z;y € R).
|z| + 2+ 5i =25 < /22 +y>+a+yi+5i=25
r? +25 = (25 — x)?

224+ y?+x=25 Va2 +25=25—ux r =12
& & &< <25 & .
y+5=0 y=—95 y=—5
y=-5
Vay z =12 — 5i = |2 = /122 + (—5)2 = 13.
ChQﬂdépéﬂ@ O

Cau 1454. Xét s6 phiic 2 thda man |z + 1 — 3i| = 5. Khi d6, tap hgp diém biéu dién s6 phiic z 1a
duong tron c¢6

A. tam I (1;—3), ban kinh R = 25. B. tam I (—1;3), ban kinh R = 25.
C. tam I (—1;3), ban kinh R = 5. D. tam [ (1; —3), ban kinh R = 5.
Loi giai.

Goi M (z; y) 1a diém biéu dién s6 phitc z = z + yi (x; y € R).
4+ 1-3il =5 |(z+1)+(y—3)i| =5 (z+ 1)+ (y — 3)% = 52
Vay tap hop diém biéu dién s6 phiic z 1a dudng tron c6 tam I (—1;3), ban kinh R = 5.

Chon dap an @ O
. . 13
Cau 1455. Cho s0 phtic z = 2 — 3i. Tim mo-dun cta so phic w = zZ + —.
z

A. V/10. B. 2V/5. C. 4. D. 2V/13.

Loi giai.
13
Ta ¢6: w :2+3i—|—2—3, =4+ 61. Vay |z] = V4% 4+ 62 = 2/13.
— 3i
Chon dap an @ O
. . 13
Cau 1456. Tim so phiic lién hgp ctia s6 phiic z = 555
i
13 12 5 13 13 13 13
A zZ= . B.z=———i. C.z=—+—i. D z=——-——i.
T 125 T SERTRE T s
Loi giai.
T o6 13 12 ) 3 12 . o .
ach z = =———i=>zZ=—+4 —i.
12+5 13 13 13 13

Chon dap an @ O
Cau 1457. S6 phiic z = (1+1) + (1 +1)2 + -+ - + (1 +1)*'® ¢6 phan 4o béng

A, 21009 1, B. 21009 1 1, C. 1—210% D. —21009 _ 1,
Loi giai.
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Ta co
= (14 + 14+ 4+ 1+9)" = (1+1)

(1+i)2018—1 B (1—|—’i>2019—1—i
(1+4)—1 i '
(144 =1+2i+i* =2 = (1+4)* = (2i)* = —2°

= (1—|—i)2019: (1+2)4504+3 (1+Z)4504 (1+i)2 % (1+i) :21009'2-.(1_’_2-).

2= 210091 44y — l S 1= 210091 ) i — 1 = (21009 _ 1) 4 (21999 4 1),
Vay phan 4o clia z bézng 21009 4 1
Chon dap én O
Cau 1458. Cho s6 phiic z = a + bi v6i a,b € R thdéa man |z|(2 4+ 4) = z — 1 + (22 + 3). Tinh
S = 3a + 5b.

A S=-11. B. S=-5. C. S=-1 D. S=1.
Loi giai.
ta co

2|(241) =2—14+1i(22+3) & Va2 + 022 +1i) =a+bi — 1+ (2a + 2bi + 3)i
S2Va2+ 02+ Va2 +b%=a—2b—1+ (2a + b+ 3)i.

a—2b—1=2vVa?+ b2
2a +b+3 =+vVa?+ b2

Giai hé ta dugc a =3 va b= —4, tt dé suy ra S = 3a + 5b = —

T do6 suy ra {

Chon dap én (A) O
Cau 1459. Tim phan 4o ctia s6 phiic 2 biét z thoéa man |z — 2i| = [z + 2 + 4i| va =~ " la s6 thudn
zZ+1
fo. 5 5 3 3
A — B. - C. —— D —.
12° 2 17 2
Loi giai.

Giastz=a+bi=Z=a—bi v6ia,beR.
Taco |z —2i| = [Z+2+4i| & a® + (b—2)° = +2) +(4—b) Sb—a=4b=a+4.

(a
Déngthéi__li _at(®-1i_ [a—i_(b_l)ll 2—(b—1)"+2a(b—1)

Z+i a+(1-b)i a2+ (b—1) a+ (b—1)%
Khidéséphﬁ’ci;%laséthuénéokhicﬂ—(b—1)2:O,thayb:a—i-élvaotadu’(jc
RN
3 )
a2—(a+3)2:0<:>a:—§:>b:§.
Chon dap an (B) O

Cau 1460. S6 phiic z = a + bi, (a,b € R) la nghiem ctia phuong trinh (1 + 2i)z — 8 —i = 0. Tinh
S=a+b.

A S=-1 B. S=1 C. S=-5. D. §=5.
Ldi giai.
' )(1—2i) 10— 15 a=
\/“1(1+2i)z—8—i204:>z:18j22i:(8+i)§_4 D _ 05 5’:2—3¢nén{ L
Vay S=a+b=—
Chondépén@ OJ

Cau 1461. Cho sb phiic z thod man )z — |z|‘ = /2. Biét rang phan thyc ctia 2z bing a. Tinh |z|

theo a.

Suu tam € bién soan Th.s Nguyén Chin Em 372 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

1 —Va?+1 2+1 2+4
Az = ——. B o= 2V gy 2 VT p oy n VT
a—1 2 2 2
Loi giai.
Ta thay
] -2
& (e=le)- (s Tl) =
& (z—lz])- (Z—Jz]) =2
s |z —a-|z|-1=0
a++va:+4
= |zl=———.
2
Chon dap én@ O
. 4
Cau 1462. Trong tap hop so phtic, phuong trinh 1 =1 —1 ¢6 nghiém la
z
A z2=2—1. B. z2=5-3i. C. z=1+ 2. D. z =3+ 2.
Loi giai.

Dieu kién z # —1.

4
Phuong trinh =l-1&2z+1= - &2 = -—1=1+2.
z+1 —1 1—1

Chon dap an @ O

Cau 1463. Cho do thi ham s6 y = f(x) c¢6 do thi nhu hinh vé, dién tich hinh phang phan to6 dam
dugc tinh theo cong thiic

2 T
0 0
0 1 ~1
D.S:/f(:c)dx—/f(az)dx
) 0
L3i giai.
0 1
Ta céS:/|f(x)]dx+/|f(a:)]dx.
Tu do thi ham sO suy ra f( ) >0,Vx € [-2;0] va f(x) <0,Vx € [0;1].
Suy ra S = /f dx—/f
Chon dap an@ OJ
Cau 1464. Cho s6 phiic z théa man Z+i = 2 — 4. Tim s6 phitc w = 1 + z + 22
Z_
9 9
A w=5+ 2. B.w=5—2. Cw==-+2% D w=-—-2.

2 ' ' 2

Suu tam € bién soan Th.s Nguyén Chin Em 373 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Lo gidi.

Diéu kien z # 1.
Z+1 S .

Ta c6 1:2—z<:>z+z:(2—z)(z—1). (1)
Z_

Goi 2z = a + bi v6i a,b € R. Khi do

Hea—bi+i=2—-1i)(a+bi—1)
Sa—bi+i=2a+2bi—2—ai—bi>+i
S2—a—b+(a—3b)i=0

3
2—a—-0b=0 =5 3 1,
a—3b=0 h— - 2 2
2

3 1 3 1) 9
Suyraw:1+z+22:1+(—+—i)+(—+—i) = — + 2i.

2 2 2 2 2
Chon dép an (C) O
Cau 1465. Tim s6 phitic z thoa man (1 —2i)z = 3 + 1.
17 17
A z=1-1i B. z=1+1 C. z=-+-i D z2=-—-i
z 1 z +1 z 5—|—51 z 5 51
Lai giai.
: . 3+i (341) (1+2i) 1 _
Taco (1 —2i)z=3 =—— <& 2z= =—-(14+71).
a co ( i)z tigzr=r—0 &2 (1_2i)(1+21)<:>z 5(—1—1)
Chon dép an (C) O
. 4 —3i R
Cau 1466. S6 phitc 2 = —* ¢6 phan thuc la
A. 3. B. -3. C. —4. D. 4.
Lai giai.
4—-3i  —i(4—3i —44 + 34> R )
Ta c6 z = — Lo i = ) = Z;— Yo 34 Vay phan thuc ctia so phic z la —3.
i —i
Chon dép an (B) O
Cau 1467. Cho s6 phtic z = a+bi (a,b € R) théa man (1+2i)z+iz = 74 5i. Tinh S = 4a+ 3b.
A S=T. B. S=24. C.S=-T. D. S=0.
Lai giai.
Dat z = a + bi.Ta co:
(1+2i)(a + bi) +i(a — bi) = 7+ 5i < a + bi + 2ai + 2bi* + ai — bi* = 0
Sa+bi+2ai—2b+ai+b="T7+5i
< (a—b)+ (Ba+b)i="T7+Dbi
a—b="T7
=
3a+b=>5
a=3
~
b= —4.
Vay S =4a+ 3b = 0.
Chondépén@ O

Cau 1468. Cho s6 phtic z théa man (1 +7)z + 2z = 3 — 2i. Tinh mo-dun ctia s6 phiic 2.
1 53 41 1
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Loi giai.

Bang cach lay lien hop 2 vé ddi v6i phuong trinh da cho, ta thu duge thém mot phuong trinh. Két
1

hop ching lai, ta giai duge 2z = 54 9i. Suy ra |z| = 5\/ 106.

Chon dap an @ 0

Cau 1469. Cho s6 thyc z, y thdéa man 2x +y + (2y — )i = v — 2y + 3 + (y + 2z + 1)i. Khi d6 gia

tri cia M = 22 + 42y — y? bang

A —1. B. 1. C. 0. D. -2.
Loi giai.
Ta cb

2r+y+ Qu—ax)i=x—2y+3+ (y+2x+ 1)

2r4+y=ax—-2y+3 r+3y=3 T =
= = =
2u—rz=y+2x+1 3r —y=—1 y=1

Vay M = —1.
Chon déap an @ OJ
3
| o (-v
Cau 1470. SO phiic lién hgp cua so phic z = ——— 1a
—1i
A. 44 4. B. 4 — 4i. C. —4 — 4i. D. -4 +4i.
Loi giai.
Ta co
A3
(1-V3i)" 1334332 (V3P -8  —8(1+1) -
z = = = — = — — 41
1—1 1—1 1—1 2
Suy ra Z = —4 + 4i.
Chon dap an @ O
Cau 1471. Cho s6 phiic z, biét 7 =2 — i+ ] jr -. Phan 4o ctia s6 phic 22 1a
i
5 5 5 5
A —. B. -i. C. —. D. ——i
2 2 2 2
Loi giai.
S (LS| T ST 8
zZ = i 5 =5 giTr=gt5l
5 1 5
Phan docta 22142+ - - - = —.
andoclaz’la2-g-5=g
Chon dap an @ O
. . . . 1
Cau 1472. Cho so phtic z = mi v6i m # 0 la tham so thyc. Tim phan &o ctia s6 phiic —-
z
1 1 1 1
A ——. B. —. C. ——i. D. —.
m m m m
Loi giai.
1 1 ) ., , 1 1
Tacc’)—:—,:—i:>phanéocf1a—la——-
z  mi m z m
Chon dap an @ O
Cau 1473. Cho s6 phiic (1 — i)z =4 + 2i. Tim mo6-dun ctia s6 phiic w = z + 3.
A. 5. B. V10. C. 25. D. V7.
Loi giai.
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bat z=a+bi v6ia, b € R.

Khi do
(1—i)z=44+2i (1—i)(a+bi)=4+2i
S a+b+(b—a)i=4+2i
a+b=4
&
—a+b=2
a=1
& =>z=14+3=2w=4+3%
b=3
= |w|=05.
Chon dap an (A) O

. 2 ’ < 1
Cau 1474. Cho s6 phitic z théa méan |z — 2| = 2. Tap hop cac diem bieu dién s6 phic w = 5(1 +i)z
trén mat phang toa do (Oxy) 1a mot dudng cong c6 do dai bang

A 4. B. 2V/2. C. 2V2r. D. 4r.
L3i giai. |
Tacéw:%(l—i—i)zéz:f—fi.Tacé |z—2|:2<:)‘%—2‘:2@‘%_&1{’_Z> =2&
12w — 2(1 + )| PUR 12| - Jw — (1 +74)| w1 = A

11+ 1| 11+ 1]
Tap hop biéu dién s6 phitc w 1a dudng tron tam I(1;1), ban kinh R = /2. Chu vi duong tron
P = 27R = 2/2.
Cach 2: Ta c6

(1+1d)(z—2)
1
= \w—l—i\:§-]1+z']-]z—2]:\/§.

Tap hop biéu dién s6 phitc w la dudng tron tam I(1;1), ban kinh R = /2. Chu vi duong tron
P =27R = 2/2nx.

Chon dap an @ O
Cau 1475. Cho s6 phiic z = 1 + 4. S6 phiic nghich ddo ctia 2 la
1—2 1—1 —1+42
AL B.1-i. c.—" p. '
NG 2 2
Loi giai.
1 1 1—1 1—2

S6 phiic nghich ddo clia z 1a ~— = = =
0 phitc nghich déao ctia 2 8 — i A=)+ 5

Chon dap an @ ([l
Cau 1476.
Cho s6 phiic z ¢6 biéu dién hinh hoc la diém M nhu hinh vé bén. Khang dinh Y
nao sau day dang? T 3 x

A z2=-3+2i. B.z=3+2. C.z=-3-2i. D.z=3-2i 0 :

Y P
M

Loi giai.
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Ta thay diém M (3; —2) do d6 z = 3 — 2i.

Chon dap z’m@ OJ
~ P . . N ~ z—1 R z—3
Cau 1477. Cho s6 phitc z = a + bi (a,b € R) théa méan -|=1va el L.
z—1 z+1
Tinh P =a +b.
A P=T. B. P=-1. C. P=1. D. P=
Loi giai.
Ta co
z—1 1
s —il |z — 1| = |z — 1| a=>b a=1
. & & & =a+b=2.
2=y |2 — 3i| = |z + 1] 8b =8 b=1
z+1
Chon dép an (D) O
Cau 1478. Goi 21, 2, 1a hai nghiém phtic ctia phuong trinh 222 — 3z +4 = 0.
1 1
Tinh w = — + — + 721 29.
Ty 7 3 3 3
A.w:—Z—L—i—Qi. B.w:Z—i-Zz'. C.w:2—0—§i. D.w:§+2i.
Loi giai.
V23 3 V23
Phuong trinh 222 — 3z + 4 = 0 ¢6 2 nghiém phiic z; = — + Ti, == Tz
+ 2 ; 1 1 3
Khi d6 AT 2 Suyraw——+ + 12129 = Zl+z2—|—izlz2:——|—2z’.
29 Z129 4
Z1%9 — 2
Chon dap én 0

Cau 1479. Trong mat phéng v6i hé toa do Oxy, tim tap hop diém biéu dién sb phitc z théa man
z—1
=1.

zZ+1
A. Hai duong thang y = £1, trit diém (0; —1).
B. Hinh chit nhat giéi han béi cac duong thing z = +1,y = +1.
C. Duong tron (z 4 1)° + (y — 1) = 1.

D. Truc Oz.
Ldi giai.
— Diatz=a+bi,(a,beR)=2+i#£0ca+(b+1)i#0=a>+ b+ 1) #0.
— Ta ¢o Z_Z, :|Z_Z,| nén
Z 41 |z + 1
z—1 |z — 1 _ :
1 =1s —=1&|z—i|=|z+1
Z 41 |z + 1

S la+ (b—1)i| = |a+ (b+ 1)
<:>\/a2 b—12—\/a2+(b—|—1)2

& b =0 (théa man diéu kien a® + (b + 1)* # 0).

— Vay tap hop diém biéu dién ctia s6 phic z la duong thang y = 0, chinh 1a truc Oz.

Chon dap én@ O
Cau 1480. Cho sb phiic z théa man (1+3i)z—5 = 7i. Ménh dé nao sau day 1a ménh dé ding?
Ao 13+4, B__13 4 C z_ 13 4. D_—13+4'
=t 2= gl L Z=—p gl Z= gl
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Loi giai.
Ta o6 5+7 13 44:>_ 13+4.
aco z = =— ——-i=>Z=—+4 —i.
143 5 5 5 5
Chon dép an (D) O
Cau 1481. Tinh mo-dun s6 phtic nghich ddo ctia s6 phiic z = (1 — 24)2.
1 1 1
A —. B. V5. C. —. D. -.
V5 V5 25 5
Loi giai.
1 1 (14 2¢)? -3+ 4i
Ta c6 — = — = - — = .
z (1=20)2  (1—20)2-(1+ 2i)? 25
|1 -3+ 40 1
Nén |—| = =-.
z 25 5)
Chon dap an @ O
3
) , (1+v3i) ,
Cau 1482. Cho so phtic z thoa méan z = — Tim mo-dun cia z + iz.
—1
A 4V2. B. 4. C. 8V2. D. 8.
Loi giai.
3
(14 va)
Tacéézf:—4—42':>z:—4+4i:>2+iz:—8—8i.
—1
Suy ra |z +iz| = | -8 — 8i| = 8v/2.
Chon dap an @ O

Cau 1483. Cho s6 phic z c6 modun biang 2v/2. Biét réing tap hop diém trong mit phing toa do
biéu dién céc s6 phitc w = (1 —i)(z +1) — i la dudng tron c6 tam I(a;b), ban kinh R. Tong a+b+ R
bang

A. 5. B. 7. C. 1. D. 3.
Lo gidi.
Tacow=(1—-i)z+1)—icwt+i=1—-i)z+1—-icw—(1-2i)=(1—1)=.

Do dé
lw—(1—=20) = |(1—d)z| = |1 —i| - |2] = /12 + (=1)2- 2v2 = 4.

Vay tap hop diém biéu dién cac s6 phiic w 1a dudng tron c6 tam I(1; —2), ban kinh R = 4. Do d6
a+b+ R=3.

Chon dap an @ O
Cau 1484. Cho s6 phiic z thda man |z — 1| = 5, E +i = % va z c6 phan 4o duong. Tim tong phan
thyc va phan 4o ctia z 1a ©

A 2. B. 4. C. 6. D. 8.
Loi giai.

Goi 2 = a+ bi, (a,b € R;b > 0). T gid thiét ta c6

z—1=5&la—1+bi|=5& (a—1)*+b* =25 a® +b* — 2a = 24 & 5a® + 56> — 10a = 120
(1)

1 1 5
—+::1—7<:>17(z+z):5z-z<:> 17(2a) = 5(a* + b*) < 5a* + 5b* — 34a =0 (2)
z z

Tu (1) va (2) suy ra 24a = 120 < a = 5.
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=3
Thay vao phuong trinh (2) ta duge 125 +50* — 170 =0 < 0 =9 & )
— 3.
Vi z ¢6 phan 4o duong nén b = 3. Vay a + b = 8.
Chon dap an @ O

£ . 2 X N, 2 ~ z N
Cau 1485. Cho z1, 25 1a hai s0 phtc lién hgp ctia nhau dong thoi théa man —; € Rva |z — 2| = 2V/3.
2
Tinh mo-dun ctia sd phic 2.

V5
A. || =3. B. |z = 5 C. |z| =2 D. |z| = V5.

Laoi giai.
Goi z; = a+ bi trong d6 a, b € R.
Do 21, 2 1a hai s6 phtic lien hgp ctia nhau nén 2z, = a — bi.

Ta 6 |21 — 22| = 2V/3 & [2bi| = 2V/3 < b = 3.
2 a+ bi (a+ bi)? a® —3ab®  b(3a® — b?)

Lai c6 — = = = )
MO T a— ke @b at ) (@1 PR (@i
b(3a* — b*) =0 ’=0
a — =
do%ERnén o { [b* =3a®> mh theo trén ta c6 b> =3 = a? = 1.
<2 a#0,b#0
a#0, b#0
Khi d6 |z| = Va? + b = 2.
Chon dép &n (C) O

Cau 1486. Biét s6 phitc z théa man dong thsi hai dieu kien |z — 3 — 4i] = /5 va biéu thitc
M = |z + 2|> — |z — i|* dat gi4 tri 16n nhat. Tinh mo-dun ctia s6 phiic z + i.

A. |z +i| =61 B. |z +i| = 5V2. C. |z +i| = 3V5. D. |z +i| = 2V/41.
Loi giai.
bat z =z + yi(z,y € R).
Tap hgp diém P biéu dién sb phiic z la dusng tron (C) c6 tam (3;4), ban kinh R = /5.
Theo gia thiét ta c6
M=|z42F—z—iP=(x+2*+y* -2+ (y— 1)} =4 +2y+3=>4x+2y+ 3 - M = 0(d)
Can tim diéu kién ctia M dé duong thang (d) va (C) c¢6 diém chung, tic 1a

4-3+2-4+3— M|

d(I,(P)) < R & <VES [23-M|<10= —10<23 - M <10 = 13 <

VA2 422
M < 33.
4+ 2y —30 =0
M dat max khi Y =1=5y=-5=|z+i=|5—-5+i| =6l
(x—3)+(y—4)7=5
Chondépén@ O
Cau 1487. Cho s6 phiic z théa: <1+\/§i>2z:3—4i. Mb-dun ciia z bang
A2 B. 2 c 2. D. 2.
5 5 4 2
Loi giai.
9 3 — 4 3+4v3 4-3V3
Taco (14+V3i) 2=3—4die (—2+2V/3))z2=3—4i < 2z = = — + i
( ) ( ) —2 4+ 2v/3i 8 8
i 3+ 443 2+ 4-3v3\" 5
zZ| = —_— —_— ] =-.
8 8 4
Chondépén@ O

Cau 1488.
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Cho sb phtic z théa man |z| = v/2. Biét diém A trong hinh dudi day

biéu dién s6 phtic z. Hbi diém nao trong hinh bén biéu dién s6 phitc w = —.
. , . , 2 M
A. Diem M. B. Diem N. C. biém P. D. Diem Q.

Loi giai.

Goi z = 2 + yi (z,y € R). Dya vao diém A ta c6 x >y > 0.

1 1 1 . .

—| = —— = —= < OA = chi c¢6 thé nhan hai diem N, P.
iz| 1-lz] V2

1 1 1 —(y + 1) —y —x
iz i(x+yi)  —(y— xi) y? + a2 2 4+y? 2?42

Phan thuc va phan 4o clia w déu am nén diém P thoéa man.

Chon dap an @ O

jw] =

w =

Cau 1489. C6 bao nhiéu s6 phiic z théa man |z|> = |z +z| + |z — Z| v 2% 14 s6 thuan 407
A. 4. B. 2. C. 3. D. 5.

Loi giai.

Goi z = a + bi (Va,b € R) thoa diéu kién dé bai

22 = (a+ bi)* = a® + 2abi + (bi)* = (a® — b*) + (2ab)i.

2? 1a s thuan do & a? —* =0 & a® = b & |a| = [b].

2]* = [z + 2| + ]2 — Z|
2
& (Va+8) =|(a+bi)+ (a—bi)| +|(a+bi) — (a— bi)
& a® + b =2|al +2/b).
Ma |a| = [b] = a? + a2 = 2|a| + 2|a| < a® = 2]al. (1)

Truong hgp 1: a > 0.
a=0=b"=0=b=0

b=2 (%)
b= -2

(1) a® =20 <
a=2=0V=4=

Truong hop 2: a < 0.

a=0=0"=0=>b=0
b=2 (k%)
b= -2

(1) a®=-2a&

a=-2=0V=4= [
[2=0

2=2+2
TU (%) va (%) = |2 =2—2i . Vay c¢6 5 sb phiic z thoa man diéu kién de bai.
2=—=2+2
2=—2—-2

Chon dap an @ O

Cau 1490. Goi S 1 tong tat ca cac s6 thyc m dé phuong trinh 22 — 2z +1—m = 0 ¢6 nghiém phiic
z théa man |z| = 2. Tinh S.
A.S=6. B. S =10. C. §S=-3 D. S=T.
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Loi giai.

Phuong trinh tuong duong véi (z — 1)? = m.

z=+m+1
s=—vm+1

— Truong hgp 1: m > 0, phuong trinh tuong duong vé6i [

Ma |z| = 2 nén
m =

z=1v-—-m+1
= —iv—m+1

— Trudng hgp 2: m < 0, phuong trinh tuong duong vé6i [

Ma |z] =2nén —-m+1=2< m = —3.
Vay S=1+9-3=T.

Chon dap an @ O
Cau 1491. Ki hiéu zy, 29 14 hai nghiém phtic ctia phuong trinh 22 — 3z +5 = 0. Gia tri clia |21 ]+ | 22|
bang
A. 2V/5. B. V5. C. 3. D. 10.
L3i giai.
3+ V1le
2= —
2-3:45=0s 2 oa| =zl = V5 = |al + 2] = 2V5.
3—v1lt
T
Chon dap an @ [l

Cau 1492. Goi z; va 2 1a hai nghiém phtc ctia phuong trinh 22 + 2z + 10 = 0. Tinh gia tri clia
biéu thitc A = |2 |* + |2o%

A. A =10. B. A=15. C. A=20. D. A=25.
Loi giai.

Ta cb

Z+2:410=0& (2+1)*+9=0& (2 +1)* = (3i)’ &

24+1=23i [z:—1+3i
=

z24+1=-3 z=—1— 3.

Do d6 A = |z1]* + |2]* = 20.

Chon dap an @ O
Cau 1493. Goi 21, 23 1a cac nghiém phiic clia phuong trinh 2% — 82 + 25 = 0. Gi4 tri clia |21 — 23|
bang
A. 8. B. 5. C. 6. D. 3.
Loi gidi.
=44+ 3%
Taco 2> —82+25=0«& neén |z; — zo| = |6i| = 6.
z2=4—-3
Chon dap an @ O

Cau 1494. Goi z; vd 2 1a hai nghiém phiic ctia phuong trinh 22 + 2z + 10 = 0. Tinh gia tri cla
biéu thic T = |2]? + |29|%

A. T = 2V/10. B. T = +/10. C. T = 10. D. T = 20.
Loi giai.
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Ta co

P4+2:4+10=0 2 +1)+9=0& (2+1)?° = (3i)? &

z+1=231 z=—1+31
=

z+1=-3¢ z=—1-—3i.

Do d6 T = |z1* + |z2]* = 20.
Chon dap an @ 0

Cau 1495. Goi sb phiic 2 1a nghiém phiic c¢6 phan do duong clia phuong trinh 422 + 4z + 37 = 0.

Trén mit phang toa do, diém nao dusi day la biéu dién ctia s6 phiic w = iz.

1 1 1 1
wan( e moan(al) coam(al).  poan(oal)
1| —3 5 2 | 3; 5 C. M| 3; 5 2| —3; 5
Loi giai.
1
Taco 42> +42+37T=0< 1
z2=—=+3
<, R 1
Vi phan 4o duong nén zy = —3 + 3
1 1 s s 1
Do d6 w =12y =1 (—5 + 32') =-3- 51 Vay diém can tim la M (—3; —§>
Chon dap én@ O
Cau 1496. Biét 2 = 1 — 2i 1a nghiém ctia phuong trinh 2% +az +b =0 (v6i a,b € R). Khi d6 a + b
bang
A. 3. B. -3. C. 4. D. —4.
Loi giai.

Vi z = 1 — 2i 1a nghiém ctia phuong trinh 2% 4 az + b = 0 nén ta co

a+b—-—3=0 a=—2
(1-2i)*+a(1-2i))+b=0a+b—3+(-4—-2a)i=0%& o

—4—-2a=0
Vay a + b = 3.

Chon dap an @ [l

Cau 1497. Goi z; v 2, la hai nghiem phiic ciia phuong trinh 422 — 4z 4+ 3 = 0. Gia tri ctia biéu
thiic |z1] + |22| bang

A. 3V2. B. 2V/3. C. 3. D. V3.
Loi giai.

Z1 = +

Tacodz? —42+3=0¢&

1.

oSl

N~ N~

Z9 =

V3
Suy ra [a1] = [z2| = <= = [z + |2 = V3.

Chon déap an @ OJ

Cau 1498. Goi 2 & nghiém phtic ¢6 phan 4o duong ctia phuong trinh 422 + 4z + 37 = 0. Trén mit

phang toa do, diém nao sau day 13 diém biéu dién ctia s6 phitc w = iz ?

1 1 1 1

L&i giai.
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1

Z=—=—=23
Taco 422 +42+37T=0< %
1 Zz = —5 +13i. 1
Do d6 w =iz =1 (—5 + 3@) = -3 Ei. Vay M, (—3; —§> 14 diém can tim.
Chon dap an @ O
Cau 1499. Biét 2 = 1 — 2i 1a nghiém ctia phuong trinh 22 +az+b =0 (véia, b € R). Khi d6 a + b
bang
A. 3. B. -3. C. 4. D. —4.
Loi giai.

Vi z = 1 — 2¢ la nghiém ctia phuong trinh nén ta co6

(1-2i)+a(l1-2))+b=0 & a+b—3+(-4—2a)i=0
a+b—-3=0 a= -2
= =
—4—-2a=0 b=5.
Vay a + b = 3.
Chon dap én@ O
Cau 1500. Goi z;, 23 la cac nghiém ctia phuong trinh 22 4+ 22 +5 = 0. Tinh M = |2}| + |23|.
A M =234 B. M =4/5. C. M =12 D. M = 10.
Lai giai.

Phuong trinh 22 + 22 + 5 = 0 ¢6 hai nghiém 2z = —1 — 2i v& 2o = —1 + 2i. Do d6
M = |2+ |#] = |-1—2i]* + |-1 +2i* =5+ 5 = 10.

Chon dap an @ O

Cau 1501. Goi 21, 2 la cic nghiem phiic ciia phuong trinh 22 + (1 — 3i)z — 2(1 +4) = 0. Khi do
w = 2% + 22 — 3212 1a s6 phiic c6 mo-dun 1a
A. 2. B. V13. C. 2V/13. D. v/20.
Ldi giai.
Tacow =22 + 22 — 32120 = (21 + 22)° — 52120 = (1 — 30)2 + 10(1 4 i) = 2 + 4i.
Vay |w| = v/20.

Chon dap an @ 0
Cau 1502. Goi 21, 23 1a cac nghiém phiic ctia phuong trinh 2242245 = 0. Tinh M = \21]2—1—\,22]2.

A. M =2V34. B. M = 44/5. C. M =12. D. M = 10.
Lai giai.

Ta c6 z; va 2 1& hai s6 phtic lien hop ctia nhau v 2,25 = 5 nén
2 2 _ _
M = ‘21’ + |22‘ = 2121 t 29Z29 = 2129 + 2021 = 22122 =2-5=10.

Vay M = 10.

Chon dap an @ 0
Cau 1503. Goi 21, 2o 1a hai nghiém phiic ctia phuong trinh 2% + 2z + 10 = 0. Gi4 tri ctia biéu thic
T = |z1|* + |22f* bing
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A. T =+/10. B. T =10. C. T =20. D. T = 2/10.
Loi giai.
z=—-1—3
Taco22+2z+10=0 <
z=—1+4 3.
Do d6 T = |21|* + |22]* = 10 + 10 = 20.
Chon dap én@ O

Cau 1504. Goi M, N lan lugt 13 diém biéu dién hai nghiém phic ctia phuong trinh 22 — 22410 = 0.
Tinh do dai doan M N.

A. MN = 2. B. MN = 6. C. MN = —61. D. MN =6.
Loi giai.
z=14+3%
Taco 22 —22+10=0< .
z=1-—31
Do d6 toa do hai diém M, N 1a (1;3) va (1;—3), suy ra M N = 6.
Chon dap an @ O
Cau 1505. Goi 21, 23 14 cac nghiém phiic clia phuong trinh 2% — 82 + 25 = 0. Gi4 tri clia |21 — 23|
bang
A. 8. B. 5. C. 6. D. 3.
Lo giai.
Xét phuong trinh 2% — 8z +25 =0 = = |21 — 29| = |67| = 6.
Z9 — 4 — 33
Chon dap an @ O

Cau 1506. Goi 21, 2, 1a hai nghiém citia phuong trinh 22 — 4z + 5 = 0; M, N lan luct 1a cac diéem

biéu dién clia z;, 2o trén mit phing phic. Do dai ciia doan thang M N la

A. 2/5. B. 4. C. V2. D. 2.
Loi giai.
z=2+1 N
Tacoz?—42+45=0&(2—-2)2=i*< . Suy ra toa do diem M (2;1), N(2; —1).
z2=2—1
Vay M N = 2.
Chon dép an (D) O
Cau 1507. Goi 21, z» 1a cac nghiém phtic clia phuong trinh 22 + 4z + 7 = 0. S6 phiic 212 + Z1 2
béang
A. 2. B. 10. C. 2. D. 10z.
Loi giai.
Ta co
) z=-2—i/3 =12
Z+4z+7=0&
2= —2+iV3= 29.
Suy ra
2 2
215y + By = (—2 — z\/§> + (—2 + 2\/5) -9
Chon déap an @ OJ

Cau 1508. Goi z1, 2 1a hai nghiém phiic ctia phuong trinh 22 + 2z + 10 = 0. Gia tri ctia |2?| + | 23|
bang
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A. V10. B. 20. C. 2v/10. D. 10.
Loi giai.
z1=—1—31
Tacdé22+224+10=0<
29 = —1 4+ 3i.

Do d6, 22 = (=1 — 3i)2 = —8 + 6i va 22 = (=1 + 3i)? = —8 — 6i.
Vay ’Z%‘ + ’Zg‘ = \/(—8)2 + 62 + \/(—8)2 + (_6)2 — 20.

Chon dap an O
Cau 1509. Goi 21, 23 14 cac nghiém ctia phuong trinh 22 — 22 +5 = 0. Tinh P = |z1]? + |22|%
A. 10. B. 5. C. 12. D. 14.
Lo giai.
2 =14 2i
Phuong trinh ¢6 nghiém
29 =1 —2i.
Vay P = |21]* + |2]* = |1 + 2i]* + |1 — 2i|* = 10.
Chon dap an @ O
Cau 1510. Goi 21, 2o 12 hai nghiém phtic ctia phuong trinh 322 —2z+2 = 0. Tinh T’ = \21|2+]z2|2.
2 8 4 11
A T=-. B.T=-. C.T=-. D.T7T=——.
3 3 3 9
Lo giai.
Phuong trinh 322 — 24+ 2 = 0c6 A = 1—24 = —23 < 0 nén c6 hai nghiém phitc phan biét
1—1v23 141123
n=——— =
6 6
2 4
Ma |z1| = |22 = \/; Vay T = |z1|* + |2 = 3
Chon déap an @ OJ

Cau 1511. Ki hiéu z;, 2 1a hai nghiém phtc ctia phuong trinh 222 — 42 +9 = 0. Tinh P =
1 1

— 4+ =7
21 Z9
A.P:—g. B.P:é. C.P:g D.P:—é.
4 9 4 9
Loi giai.
4
Theo dinh Iy Vi-et ta c6 z1 + 20 = > 2129 = 7
1 1
Dodo Pe L btz 4
zZ1 Re 2129 9
Chon dap an O

Cau 1512. Phuong trinh bac hai ndo duéi day nhan hai sé phitc 2 — 3¢ va 2 + 3¢ lam nghiem?

A 224+42+13=0. B. 22+42+3=0. C. 22—42+13=0. D. 22— 42+3=0.
Loi giai.
Ta c6 (2 —3i)(2+3i) =13 va (2 —3i) + (2 + 3i) = 4 nén 2 — 37 va 2 + 37 1a nghiém phuong trinh
22 —42+13=0.

Chon dap an @ O
Cau 1513. Goi z1, 2> 1a hai nghiem phiic ctia phuong trinh 2% — 2z + 10 = 0. Gia tri clia |z1| + | 22|
bang

A. 2v/10. B. 2. C. v10. D. 20.
Lo gidi.
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Vi z1, 23 14 hai nghiém phiic clia phuong trinh 22 — 2z + 10 = 0 nén |z1| = |23| v 2120 = —

1l = Vi P = izl = Vil = ]| = vio

Vay |21| + | 22| = 2V/10.

Ta co

Chon déap an @ O
Cau 1514. Ki hiéu 2, 2, la hai nghiém phiic clia phuong trinh 32> — 2 + 1 = 0. Tinh P =
|21] + [22]-
\/14 2 3 2v/3
A P=Y2 B. P="Z. cp-Y3 D p-2V3
3 3 3
Loi giai.

L1 Vi

p=c-
Tac6322—2+1=0%

L1, Vi

6 6 -

1 V11 1 Vi1, 1\? (Vi1 23
Suy xa P = | + o = | = Yl + [+ 5 _2\/<6> +<T B
Chondépén@ 0

Cau 1515. Trong tap sd phiic, phuong trinh 22 4+ 3iz + 4 = 0 c¢6 hai nghiem 1a 2, z. Dat S =

|Zl| — |Zg| Tim S.

A. S e {3} B. S € {3;-3}. C. Se{-3}. D. S € {0}.
Loi giai.
Taco A=0"—4dac= (3i)* —4-1-4=-25<0. o
Nén phuong trinh cé hai nghiém phic la z = ﬁ =iva z= w = —4i.

THI. Néu 2, = i, 29 = —4i thi § = —

TH2. Néu z; = —4i, 2 =4 thi S = 3.

Chon dap an O
Cau 1516. Trong mit phang toa do Ozy, cho sé phiic z théa man |z — 1+ 2i| = 3. Tap hop cac
diém biéu dién cho s6 phiic w = 2(1 + i) 14 duong tron

A. Tam I(3;-1), R = 3v/2. B. Tam I(-3; 1), R = 3.
C. Tam I(-3;1), R = 3V2. D. Tam I(—3;1), R = 3.
Li giai.

Taco |z —1+2i| =3 < |z(144) + (=142i) (1 +i)] =3[1+14] < |w—3+i| =3V2.
Gidstw=x+yi (t,yeR) = |z -3+ @y+1)i=3vV2e (z-37+(y+1)°=18.
= 1(3;-1), R =18 = 3v2.
Chondépén@ O
Cau 1517. Biét phuong trinh 22 + bz + ¢ = 0, (b, ¢c € R) c6 mot nghiém phiic 1a z; = 1 + 2i. Khang
dinh nao sau day la dung?

A b+c=2 B.b+c=3. C.b+c=1. D.b4+c=T.
Loi giai.

. . . 21:14‘27; 21+22:2 b= -2
Ta thay phuong trinh ¢6 hai nghiém = = =b+c=3.
22:1—2Z 2122:5 c=9H

Chon dap an O
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Cau 1518. Goi z;, 23 la hai nghiém ctia phuong trinh 22 — 22 + 5 = 0. Tinh |2 |* + 21 2.
A. 5. B. 10. C. 15. D. 0.

Li giai.

Vi 21, 2 la hai nghiém ctia phuong trinh 22 — 22 4+ 5 = 0 nén 2,2, = 5 vd Z] = 25. Khi d6

2 —
|21| +2122221'21+2122:Zl~22+21'22:2'21'22:10.

Chon dap an O
Cau 1519. Ki hiéu 21, 2 14 hai nghiem ctia phuong trinh 22 + 2z + 10 = 0. Gi4 tri ctia |2| - |2

bang
5}

A. 5. B. 5 C. 10. D. 20.

Loi giai.
j 10

Ta c6 |z1] - |22| = |21 - 22| = T|= 10.
Chon dap an @ O
Cau 1520. S6 phiic ndo dudi day 14 mot can bac hai ctia s6 phitc z = —3 + 447

A 241 B. 2—1. C. 1+ 2. D.1-— 2.
Loi giai.

Goi w = x + yi véi x, y € R 1a mot can bac hai ctia z. Khi d6 w? = 2
& (v4yi)?=-3+4i
o 2=y 4 2uyi = =3+ 4i

2 2 z? 1 3
e —y =-3 T T

2
20y =4 y = — (vi z = 0 khong phéi 1a nghiém)
x
vt +32° —4=0 (> —1)(z*+4) =0
& 9 < 2
y="= y=-
€T T
o= 2? = —4 (vo nghiem) r=-1
2 2
T x

Viz=1=y=2=>w=1+2i.
Véir=—-1=y=-2=w=-1-—2i.
Chondépén@ O

Cau 1521. Goi 2z, 2 la 2 nghiem cta phuong trinh 222 + 2z + 1 = 0. Tinh gia tri bicu thic
A=z + |z
A. 2. B. 1. C. 4. D. 3.
Loi giai.
Taco A=12—-4-2.1=—-7="T7%
—14+/Ti
1 )

, —1 =T
Nghiém cua phuong trinh la z; = 29 = T\/_Z

V2

Suy ra [a] = [z2| = <.

] v2\© o (v2Y
VayA:<7> +<7> = 1.
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Chon dép an (B) O
Cau 1522. Goi 21, 2 1a hai nghiém ctia phuong trinh 22 + 2z + 10 = 0. Gia tri T = |21]? + |22?
bang
A. 4. B. 6. C. 10. D. 20.
Loi gii.
z=—14+3
Taco 22 +22+10=0 <
z=—1-— 3.
Tir dé suy ra T = (/(—17 +82) + (V=17 + (—3)2) = 20.
Chon dap an @ O

Cau 1523. Goi 21, 2» la hai nghiem phic clia phuong trinh 22 — 22 + 2 = 0. Tinh gia tri ctia biéu
thic P = 2|z + 25| + |21 — 29|
A. P=6. B. P=3. C. P=2/2+2. D. P=+2+4.
Loi giai.
Theo dinh 1y Vi-ét, ta c6 21 + 29 = 2, 2129 = 2.
Mt khac, |21 — 2|” = ‘(z1 bzo) —dzyz| = 22— 4.2 = 4.
Vay P =2z + 23| + |21 — 22| =2-2+2=6.
Chon dap an @ O

Cau 1524. Goi 21, 2, 1a hai nghiém ctia phuong trinh 22 + z + 1 = 0. Tinh gia tri ctia biéu thic

P = |Z%019 + 23019"

A P=2 B. P=3. C. P=23. D. P = 4038.
Loi giai.
—1—+/3i
7n=—
Taco) 22+ 2+1=0< 2
—1++/3i
9 — T
1 31 1 3 1
a 3 _ o . _ - . . . _ . 3 _ . _ . - - . _
TjCO% =3 (1 \/§z> =3 (1 3v/3i 9—1—3\/§z> =125 = 3 (1—}—\/52) =3 (1—1—3\/§1 9 3\/32) =
Mit khac 22019 = (23)°7 = 1 22009 — (23)573 — 1 = 52019 4 2000 — | _ 1 _ ]| =2,
Vay [22019 4 22019) = 2,
Chon dap an @ O
Cau 1525. Ki hiéu 21, 2o 13 hai nghiém phtic cia phuong trinh 22 = —1. Gia tri clia |z1| + |22|
bang
A. 2. B. 4. C. 1. D. 0.
Loi giai.
Ta c6 22 = —1 & 2z = +i. Suy ra |21| + |20] = |i| + | — 1| = 2.
Chon dap an @ O
Cau 1526. Ki hiéu 21, 2 1a hai nghiém ctia phuong trinh 22 — 42z + 5 = 0. Gid tri clia |2|* + |22)?
bang
A. 6. B. 10. C. 2V/5. D. 4.
Loi giai.
z=241
Tacoz?—4z+5=0&
z=2—1.
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Khi d6 21 =2+14, 20 =2 —i va|z]? = |2 = 5.
Vay |212 + || =5+ 5 = 10.

Chon dép an (B) O
Cau 1527. Nghiém ctia phuong trinh 22 — z + 1 = 0 trén tap so phic la
3 1 3 1
A.zlzg—i-gi;@:\/?_—ﬁi. B. 2 = \/_+2 20 =3 — 1.
1 3 1 3
C.z1:§+§i;zg:§—§i. D.21:1+\/§i;z2:1—\/§i.
Loi giai.
Xét phuong trinh 22 —z+1_0coA——3<O
1 3
Phuong trinh c¢6 hai nghiém phiic z; = 5 + \g_ =3~ \/7—@
Chon dép an (C) O
4
Cau 1528. Goi z1, 2» 1a hai nghiém ctia phuong trinh u +7Z = —4 (2 1a 86 phiic ¢6 phan 4o am).
Khi d6 |21 + 22| bang
A 1. B. 4. C. 8. D. 2.
Loi giai.
Ta co
4 C=)\2
L W ) !
z z
V15
2 _
&S Z74+Z+4=0&
_ V15
Z=—=——1
2 2
1 V15,
Z=—=——
N 2 2
1 15,
Z2=—=——1i.
2 2
1 1
Va =|l-——=|=1.
w bt al =| -5 - 5]
Chon dap an @ O

Cau 1529. Goi 21, 2 13 hai nghiém phtic ctia phuong trinh 222 + V32 4+ 3 = 0. Gia tri ctia biu
thitc T = 2? + 22 béang

A.T:i. B.T:—g. C.T=3. D.T:—g.
18 8 4
Loi giai.
V3 V2L,
ATyt
Taco22+32+3=0<
V3 V2L
29 = —— — ——1.
’ 4 T
V3 V2L V3 V2L 9
T=—-—+— ~— 2 ===
Suy ra ( 1 + 1 + 1 1 7 1
Chon dap én@ 0
. 1 3 6
Cau 1530. Cho cac so phiic z, w khac 0 théa man z +w # 0 va — + — = . Khi do ‘3‘
. z  w Z+w w
bang
1 1
A. 3. B. -. C. V3. D. —.
3 v
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Loi giai.
Ta cb
1 3 6
-2 & wiztw)+3z2(z4+w) =6zw
Z W Z+w
o 322 —2wz+w?=0
o ()—2 Zi1=0
w
2 1. V2 ,z‘_i
— = -4+ — -
o |w 373 V3
z_l \/5 ’_‘_L
w 3 3° V3
z 1
o= &
8 o
Chondépén@ 0

Cau 1531. Goi 2z la nghiém phiic ¢6 phan 4o am clia phuong trinh 22+ 2z +5 = 0. Trén mat phang

toa do, diem nao dudi day 1a diém bicéu dién s6 phiic w = 129192,?
A M(=2;1). B. M(21). C. M(-2;-1). D. M(2-1).
Loi giai.
z2=-1+2
Tacoz?+22+5=0«<
z=—1—2i.
2p 1a nghiém phtc c6 phan 40 am ctia phuong trinh 22 + 22 +5=0nén z = —1 — 2i.
Khi d6

w =22 = ()" i(=1 = 20) = (=1)"% (=1 — 2i) = —i(—1 — 2i) =i + 2% = —2 + 4.

Diém biéu dién s6 phitc w = 292 1a M (—2;1).

Chon dap an (A) O
Cau 1532. Ki hi¢u 21, 2, 1a hai nghiém phiic ctia phuong trinh 22 —22+7 = 0. Gia tri clia | 21|+ | 22|
bang

A 2V/7. B. V7. C. 14. D. 10.
Lo giai.

o B z=1+6i
Ta c6 z 3z+5 =0«

z=1—6i.
Suy ra |z1| = |22 = V7. Do dé |z| + |z| = 2V/7.

Chon dap an (A) O
Cau 1533. Ki hiéu 2, la nghiém phitc c6 phan thiyc am va phan do duong ctia phuong trinh 22 +
22+ 10 = 0. Trén mat phang toa do, diém nao dudi day la diém biéu dién s6 phitc w = 291927
A. M(3;—-1). B. M(-3;1). C. M(3;1). D. M(-3;-1).
Lai gii.
z=—-14+3
Tacoz2+22+10=0« nén zp = —1 + 3.
z=—-1—-3%
Khi d6 w = 2925 =i - (—1)10% . (=14 3i) = —i - (—1 + 3i) = 3 + 4 nén diém biéu dién s6 phiic w
1a M(3;1).
Chon dap an @ O
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Cau 1534. Phuong trinh 22 + 22 + 10 = 0 ¢6 hai nghiém 1a z1; 2. Gia tri clia |2; — 29| 1a
A. 4. B. 3. C. 6. D. 2.

Loi giai.

Taco2?+22+10=0& (2+1)?=-9=9% &

z4+1=-3 z=—-1-— 3.

Do vai tro cua z;, zo nhu nhau nén ta gia sit 2y = —1 4 37, 20 = —1 — 3.

z+1=3 z=—1+3
=

Vay |z1 — 23| = |6i] = 6.
Chon dap an @ OJ

Cau 1535. Goi 21, 25 1a hai nghiém phiic ctia phuong trinh 222—2+7 = 0. Tinh S = |2, - Z3 + 22 - 71|

1 2
A - B. 2 C. 2. D. L.

2 4 2
Lai gidi.

Ta c6 21, 2o 1a hai nghiém phiic clia phuong trinh 222 — 2 +7=0nén z; = Z; va 2 = 7].
Do d6 S = |22 + 23] = ‘(zl +25)% — 2z122’ . (D

7
Theo dinh 1y Vi-ét, ¢6 z1 + 2o = 3 AR =g (2)
1 7 27
Thay (2) vao (1 —|Z_92. ] =2
ay (2) vao (1) duge S 1 5 1
Chon dap én O

Cau 1536. Goi z; va 2 la hai nghiém phiic ctia phuong trinh 22 — 22 + 10 = 0. Tinh gia tri biéu
thitc P = |21|* + |2o|%

A. P = 40. B. P =+/10. C. P =20. D. P = 2V/10.
Loi giai.
Ta c6
z=1+3
2 —2:2410=02"-22+1=-9& (2-1)>=(3)’ &
z=1-— 3.

2 2
Vay P =|zf? + |2f? = [1+3i> + [1 - 3i)> = (VIZ+32) + (/IZ+ (-3)2) =20.
Chon dap én@ O

Cau 1537. Goi 21; 2o 13 hai nghiém phic ctia phuong trinh 22 — 62 + 10 = 0. Biéu thrc |21 — 22| €6

gia tri la

A. 6i. B. 2i. C. 6. D. 2.
Loi giai.
21 :3+Z
Taco 22 —62+10=0< CKhi d6 |z — 2] = |3+ — 3+ 1] = |2i] = 2.
Z9 =3—1
Chondépén@ 0

Cau 1538. Goi S la tap hgp gié tri thite ctia tham s6 m sao cho phuong trinh 22 —2mz+42m?—2m = 0
c6 nghiém phiic ma modun ctia nghiem dé bang 2. Tong binh phuong cac phan ti ciia tap hop S
bang

A. 6. B. 5. C. 4. D. 1.
Loi giai.
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e Truong hgp 1: Phuong trinh c6 nghiém thyc z = 2.
Tacod—4m+2m*> —2m=0&2m?> —6m+4=0< [m:1
m = 2.
e Truong hgp 2: Phuong trinh c¢6 nghiém thyc z = —2.
Khi d6 ta ¢6 4 + 4m + 2m?* — 2m = 0 & 2m? + 2m + 4 = 0 (vo nghiém).
e Trudng hop 3: Phuong trinh khong c6 nghiem thite. Khi d6 dé phuong trinh c6 nghiém phiic
véi mo dun bang 2 thi

/
A'<0 —m?+2m <0
5 < & m=—1.

\/m2+(\/—_A’) —9 2m* — 2m = 4
Vay S = {—1;1;2} c6 tong binh phuong céc phan ti 1a 6.
Chon dép &n (A) O

. 3 7 3 7

Cau 1539. Hai so phiic 5 + gz va 5~ \/7_2 la nghiém cta phuong trinh nao sau day?

A 22 —32—4=0. B. 22+32+4=0. C.22-324+44=0. D. 22+32—4=0.
Loi giai.

Ta co

3 V7. 3 VT
(5"‘72)"‘(5—72):3

3 VT, 3 VT, 9 7
(o8) ()0l

Do dé 2 s6 phiic da cho 1a nghiém phuong trinh 22 — 3z 4+ 4 = 0.
Chon dap an @ ([l

Cau 1540. Goi z; 1a nghiém phiic c6 phan 4o am ciia phuong trinh 22+ 22+ 5 = 0. Trén mit phang
toa do, diém biéu dién cho sb phtc 21 ¢6 toa do la

A (=2;-1). B. (2;-1). C. (—-1;-2). D. (1;-2).
Loi giai.
Phuong trinh 22 + 2245 = 0 ¢6 cac nghiém 1a z = —1 £ 2i, suy ra z; = —1 — 2i. Vay diém biéu dién
cho 6 phiic z; ¢6 toa do 1a (—1; —2).
Chon déap an @ O

Cau 1541. Ki hiéu z;, 2z la céc nghiem phic ciia phuong trinh 222 + 4z + 3 = 0. Tinh gia tri biéu
thic P = |z122 + (21 + 22)|.

A.P=1. B.P:; C. P=+3. D.P:g.
Loi giai.

Ta c6 21, 2 1 cac nghiém phiic ctia phuong trinh 222 + 4z 4+ 3 = 0.
3

Z1R9 — 5 3 5
Theo Vi-ét ta ¢ csuy ra P = |z120 +i(21 + 29)| = ‘5 —2i| = 5
Z1 + Z9 — —5 = -2
Chon déap an @ OJ
Cau 1542. Goi 21, 2, 1a hai nghiém phiic ctia phuong trinh 22 —52z+7 = 0. Tinh P = |22+ 2|2
A 4VT. B. 56. C. 14. D. 2V/7.
L3i giai.
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Do 21, 2, 1 cac nghiém phiic ctia phuong trinh 22 — 5z + 7 = 0 nén ching lién hgp v6i nhau, va

|21] = |22] = \/ 21| - |22| = \/|212’2| =VT=P=7+7=14.

Chon dap an @ O
Cau 1543. Goi z; 1a nghiém phiic c6 phan 4o duong ctia phuong trinh 22 — 2245 = 0. Tim s6 phiic
liéen hop cia w = 221 -
—1
A w=1-3. B. w=u. C.w=-3+1. D. w = —i.
Lo giai.
Ta co
) z=1—2
z2=224+5=0&
z=1+ 2.
14+ 2¢ 14+20)(2+1
Suyraz =142t = w= + ,Z = (1+2)2+17) = .
2—1 5
Vay w = —1.
Chon dap an @ O
Cau 1544. Ky hiéu 21, 25 1a hai nghiém phiic ctia phuong trinh 22 —4z+6 = 0. Gia tri clia |21] + | 22|
bang
A. /6. B. 2V6. C. 12. D. 4.
Loi gidi.

z:2+\/§i
Tacoz2—42+6=0<

2 =2— /2.
Do dé |z1| + | 22| = V6 + V6 = 2/6.

Chon dap an O

Cau 1545. Biét phuong trinh 224 az+b = 0 véi a, b 1a cac s thuc, c6 mot nghiem phitc la z = 1 —1,
gi4 tri clia bicu thic ' + b bang

A. 1026. B. 4. C. 1. D. 1024.
Loi giai.
Vi a,b € R nén phuong trinh ban dau c6 hai nghiem 2 va Z.
—a=2
Theo dinh 1i Vi-ét ta c6 { = a'% + b = 1026.
b=2
Chon dap an (A) O

Cau 1546. Ki hiéu 21, 29, 23, 24 1a bon nghiém phtc ctia phuong trinh
(2 =32+6) (2* +32+3) — 2 (9+22°) +2* = 0.

Gia tri ctia bidu thitc |21 | + |22| + | 23] + |24] bang
A. 2V/3(1+2). B. 2. C. 2v2(1 ++/2). D. 2V/3(1+/3).
Loi giai.
Ta thay
(2 =32+6) (z*+32+3) —2(9+22°) +2° =0
& Z—[(=32+46)+ (°+32+3)] 2+ (2 =32 +6) (2°+32+3) =0
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_2222—3z+6
=

_z:z2+3z+3

—22—42—1—620
=

2°+22+3=0

(2 =2+ V2i
=

2= —1+V2i

Khi d6, ta dugc |z1] + 22| + 23] + 2] = 2 (\2 + \/52\ + (—1 + \/52\) =2v3(1+v2).

Chon dap an @ O
Cau 1547. Ki hiéu 2; va 2, 1a hai nghiém phtic ctia phuong trinh 2% —z+1 = 0. Gia tri clia |21 |+ | 22|
bang
A. 3. B. 1. C. 2. D. V2.
Lai giai.
1 V3.

Z2==——1
Phuong trinh 22 — 2z +1 = 0 ¢6 hai nghiém I3 ? \33

Z = 5 -+ 72.
Vay |z1| = |za| =1 = |21| + |22] = 2.
Chon dép an (C) O

Cau 1548. Goi 21, 29, 23, 24 1& cac nghiém ctia phuong trinh 2* — 423 + 722 — 162 + 12 = 0. Tinh
bicu thitc T = (22 +4) (22 +4) (22 +4) (22 + 4).
A. T =2i. B.T=1. C.T=-2i. D.T=0.
Loi giai.
Taco 2* —423+722—1624+12=0& (2 —1) (2 —3) (22 +4) =0.
Do z1, 29, 23, 24 12 nghiém clia phuong trinh nén ton tai z; v6i ¢ = 1,2, 3,4 théa man z? + 4 = 0.
Vay T' = 0.
Chon dap an @ O

Cau 1549. Goi 21, 2, 1a hai nghiem phtic ctia phuong trinh 22 — 4z + 5 = 0. Gia tri ctia biéu thic
22 + |22 bing
A. 6 — 8. B. 20. C. 6. D. 10.
Loi giai.
Taco Al=4—5=—1=1
Phuong trinh ¢6 hai nghiém phiic 2y =2 41,20 =2 — 4.
Vay |27] + 23] = 10.
Chon déap an @ OJ

Cau 1550. Cho phuong trinh 22 +az +b = 0 véi a, b 1a cac tham s6 thyc nhan s6 phtic 1+ 4 14 mot
nghiém. Tinh a — b.

A -2 B. —4. C. 4. D. 0.
Loi giai.
Vi 1+ la nghiém ctia phuong trinh nén
a=—2
(1+i)2+a(1+i)+b—0<:>a+b+i(a+2)—0<:>{b =a—b=—4.
=2

Suu tam € bién soan Th.s Nguyén Chin Em 394 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Chon dép an (B) O
Cau 1551. C6 bao nhiéu s6 phtic z théa man 2?2 + 2 |z| = 07
A 1l B. 4. C. 2. D. 3.
Lai gii.
Trude hét ta co |22 = |z - 2| = |2] - 2] = |2]%

Tt phuong trinh 224 2|z| = 0 ta suy ra 22 = —2|z| (). Lay mo6 dun hai vé phuong trinh (x) ta dugc
2| =0

2] = 2.

V6i 2| = 0. T (x) suy ra 22 =0 =z = 0.

V6i |z| = 2. T (%) suy ra 22 = —4 = z = £2i.

|2%] = 22| & |2]* = 2|2 &

Vay c6 ba s6 phtic z théa méan.

Chon dap an @ O
Cau 1552. Biét phuong trinh 22 4+az+b = 0 véi a, b € R ¢6 mot nghiem z = 1 —2i. Tinh a+b

A 1. B. —5. C. -3. D. 3.
Loi giai.

Vi z = 1 — 2¢ 1a nghiém ctia phuong trinh nén

(1—-2i)? +a(l—2)+b=0
& a+b—3—(2a+4)i=0

at+b—-—3=0
=
20+4 =0

a=—2
=
b=>5.
Khidoa+b=-2+5=3.
Chon dép an (D) O
Cau 1553. Goi 21, 2o 1a hai nghiém phiic ctia phuong trinh 22 — 5z + 7 = 0. Gia tri ctia biéu thitc
‘Zl — 22’ 1a
3
A V3L B. —\3i C. V3 p. ¥

Lai gidi.

5 3
z=—=+ iz
Taco) 22 —524+7T=0%& 2 2
5 V3
z=—=——1t.
R V3
. . 5 3 5 3
Khong mat tinh tong quat, gia st z; = 5 + 7', 29 = 3~ 7 khi d6 |z — 23| = ‘\/52) =+/3.
Chon dap an (C) O
Cau 1554. Ki hiéu 21, 25 1 hai nghiém phtic ctia phuong trinh 22 + 2 +4 = 0. Gi4 tri clia |z1] + | 22|
bang
A. 2. B. 4. C. 1. D. 6.
L3i giai.
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Ta thay /i
1 15
P2+24+4=0% ) _§+ 2 Z@|21|=|Z2|:2:>|Zl|+|22|:4'
B ALY
2 2
Chon dap an (B) O

Cau 1555. Ki hiéu z; va 2 1a hai nghiém ctia phuong trinh 22 +mz +m = 0 v6i m 1a s6 thyc. Tim

gia tri ctia tham s6 m dé bieu thitc P = 22 + 22 dat gia tri nho nhat.

1 1
A.mzé. B.m=1. C. m=0. D.m:—ﬁ.
Loi giai.
T1+Tog=—M
Theo dinh ly Vi-ét ta c6
1Ty = M.

Khi d6 ta c6 P = (11 + x9)* — 2m129 = m* —2m = (m — 1)2 =1 > —1.
Vay min P = —1 khi va chi khi m = 1.
Chon dap an 0

Cau 1556. Ki hiéu zy, 2, 13 hai nghiém phiic ctia phuong trinh 2% —2z+3 = 0. Gia tri clia [22; ]+ 22|
bang
A. 3V/3. B. 2V2. C. 2V/3. D. 3v2.
Loi giai.
Taco A=(-2)2—-4-1-3=-8.

2 — 221 24 2v2
Phuong trinh c6 hai nghiém phic z; = T\/—Z =1 —V2ivaz = +T\/_Z =14+2i.
Vay 22| + |22| = [2 — 2v/2i| + |1 + v/2i| = 3V/3.
Chon dap én@ 0

Cau 1557. Goi 21, 2 lan lugt 1a hai nghiém ctia phuong trinh 22 + 5z + 10 = 0. Tinh gia tri clia
biéu thitc A = |2 |? + | 29>

A. A=10. B. A =50. C. A=20. D. A = 40.
Loi giai.

5 V15
z=z=——+4+—i =|zn|=Vv10

21, 72 lan lugt 14 hai nghiém ctia phuong trinh 22452410 = 0 < 2 2
5 V15,
pEn=—g -l > |22] = V10.
Vﬁy A= ’21|2 + ’22|2 = 20.
Chon dap an @ O

Cau 1558. Trong tap hop s6 phiic, tim mot can bac hai clia —5.
A. V5. B. iv/—5. C. V5i. D. —/5i.
Loi giai.
Trong tap hop s6 phiic C, ¢6 hai cin bac hai ctia —5 1a +iv/5.
Chon dap an @ O
Cau 1559. Goi z; va 2o 1a hai nghiém phic ctia phuong trinh 22 + 22 + 3 = 0.
Tinh P = 2|2z| 4+ 5|2
A. P=.3. B. P =53 C. P =33 D. P =T/3.
Loi giai.
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Phuong trinh bac hai 22 + 2z + 3 = 0 ¢6 hai nghiém & z; = —1 + V2i v zg = —1 — V/2i. Ta ¢6
21| = |20| = V/3. Khi d6 P = 2|21| + 5|20| = TV3.
Chon dép an (D) O

Cau 1560. Goi z; va 2, 1d hai nghiém phtic ctia phuong trinh 22 — 2z +5 = 0, trong d6 z c6 phan

4o am. Tim phan 4o b cia s6 phiic w = [(z — i) (2 + 20)]*™°.
A b= 210, B. b= 2217, C. b= —22018, D. b= 22015,
Loi giai.
=142
Taco2?—22+5=0%
29 = 1—2¢

= w=[(142 —i)(1—2i+20)"" = (14:)*"®

_ [(1 + 1)2} 1009 _ (22’)1009 _ 91009 ;425241 _ 91009,
= =21
Chon dap an @ O
Cau 1561. Phuong trinh (22 — 1)(z3 + 8) = 0 ¢6 bao nhiéu nghiém phiic?
A. 5. B. 3. C. 4. D. 2.
Loi giai.
(22 =1)(z*+8) =0
S (z-DE+DE+2)(2*-224+4)=0
s -DE+D)(E=+2)[(z-1)*+3]=0
S -DE+D)E+2)(z-1-iV3)(z—1+iV3) =0
z=14iV3
< |:z = =1
z= =2
Chon dap an @ 0

Cau 1562. Goi 2; vd 2 la hai nghiém phic clia phuong trinh 22 — 82 + 17 = 0. Tim gia tri
T = |z1| + |27

A. T =34 B. T = 17. C. T =2/17. D. T =17.
Loi giai.
21 = 4—1
P2 -8 +17T=0s
Z9 = 4+ 1.
Vay T = |z1| + | 22| = 2v42 + 12 = 2V/17.
Chon dép &n (C) O

Cau 1563. Goi z; v 2, la hai nghiém phitic ctia phuong trinh 422 + 32 + 5 = 0. Gia tri ctia biéu
thiic |21] + |22| bang

A. V5. B. 2V/5. C. 5. D.
Loi giai.

1w

z——§+ {
T8

42 43245=0% = |21| + |22] = V/5.

ooﬁoo‘ﬁy
— —

3
2y = ——= —
2 8
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Chon dap an @ O

Cau 1564. Biét z; = 2 — i 1a mot nghiem phiic clia phuong trinh 22 + bz + ¢ = 0 (b, ¢ € R), goi
nghiém con lai 1 2,. Tim s6 phitc w = bz; + czs.
A w=18 —. B. w=18+:. C. w=2-09. D. w=2+09.
Loi giai.
Phuong trinh da cho a4 phuong trinh bac hai véi hé s6 thie. Do d6 2o = Z7 = 2 + 1. Ap dung dinh

Iy Vi-ét ta dugce

b
S=——=21+2=4 b= —4
=

1
P:E:,2122:5 c=>5.

1
Tu doé ta co
w=>bz +czg=—-42—1i)+52+1i) =2+ 9.
Chon dap an @ OJ

Cau 1565. Goi 2 1a nghiém c6 phan 4o am ciia phuong trinh 22 — 4z 4+ 20 = 0. Tim toa do diém

biéu dién cua z;.

A M(=2;—4). B. M(—4;-2). C. M(2;—4), D. M(4;—2).
Lai giai.
z =2+ 41
22— 42420=0<
z =2 — 4.
Suy ra z; = 2 —4i = M(2; —4).
ChQHdépéH@ O

Cau 1566. Goi 2; va 29 = 3+ 44 1a hai nghiém ctia phuong trinh az?+bz+c =0 (a,b,c € R,a # 0).
Tinh T = 2|z | — |2a].
A.T=0. B. T =5. C. T =10. D.T=7.
Loi gii.
Do phuong trinh ¢6 hai nghiém phtc khong thuc nén |z1| = |z2] = T = |22| = 5.
Chon dép an (B) O

Cau 1567. Goi 21,2y 1a cac nghiem phiic ctia phuong trinh az? + bz + ¢ = 0, (a,b,c € R,a #
0,2 — dac < 0). Dat P = |z 4 20|* 4 |21 — 22> — 2|21]> — 3| 22|*. Meénh dé nao sau day ding?

2b
A P=va TP B.P=-° C.P=— D P=——.
a 3¢ 3a
Loi giai.
Tu gi& thiét suy ra phuong trinh da cho c6 hai nghiém phitc khong thuc va 1a lien hop ctia nhau.
Ta co
P = |21+ZQ|2+|Zl_22|2_2‘21|2_3|22|2
= 2|z]" + 2| = 2|l - 3|z
— = () = =S
= |22 (21 - 22) a
Chon dap an O

Suu tam € bién soan Th.s Nguyén Chin Em 398 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 1568. Cho a, b, ¢ la cac s6 thic sao cho phuong trinh 23+ az? 4+ bz + ¢ = 0 ¢6 ba nghiém phiic
lan lugt 1& 21 = w + 3i, 20 = w + 94, 23 = 2w — 4, trong d6 w 1a mot sé phiic ndo d6. Tinh gia tri cla
P=la+b+.

A. P=284. B. P =36. C. P=136. D. P = 208.
Lai giai.

Gid st w = x + yi (z,y € R), ta co:

21tz tzm=—a & 4dw+12t—4=—a
& (dr—4)+ (dy+12)i=—a

dr —4=—a
< =y = -3
dy+12=0

Suy ra z; = x, 29 = x + 61, 23 = 2x — 4 — 61.

Lai co:

2129 + 2923 + 2321 = b
& (2% + 6xi) + (22° — 4x + 36) + (62 — 24)i + (22° — 4x) — 621 = b
& (52% — 81 +36) + (6 — 24)i = b
52> —8x 4+ 36 =1
{6:c —24=0

r=4
& =aq=-—12.
b=84

Thay z; = 4 vao phuong trinh, ta c6: 64 —12-164+84-4+c =0 & ¢ = —208.
Vay P = |a+ b+ c| = 136.

Chon dap an @ O

Cau 1569. Goi z; 1a nghieém phitc c6 phan 4o duong ctia phuong trinh z? — 8z + 25 = 0. Khi do,
gid st zf =a+bi thi a+ b la

AT B. —T. C. 24. D. 31.
Loi giai.
Phuong trinh 22 — 82 +25=0 = .
Tacozi=T+24i=>a=T,b=24=a+b=3l.
Chon dap an @ O

Cau 1570. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 M, N, E, F lan lugt 1a trung diém ctia canh
A'B', A'D', B'C’,C' D' nhu hinh vé. Co-sin clia géc tao béi 2 mat phang (CM N) va (AEF) biang

2 1 1
A —. B. - C. 0. D. —.
17 2 17
Loi giai.
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A’ N D’
! 1
| [
I
M~ LT
| 7
/ N B :C//
B T b
1l
AN // 1‘
AN 4 |
N I
o\ |
!//\\ |
A - - - -—————— -
A AN ! D
\ I
i \ |
/// \\
-, \
B C

— Xét he truc toa do Oxyz, sao cho A(0;0;0), B(2;0;0), D(0;2;0), A’(0;0;2). Ta c6 C(2;2;0),
B'(2;0;2), C'(2;2;2), D'(0;2;2).

— Do M, N, E, F lan lugt 1a cic trung diém ctia A’B’, A’D’, B'C', C'D’ nén M (1;0;2), N(0;1;2),
E(2;1;2), F(1;2;2).

— Tac6 CM = (—1;—2;2), CN = (—2;—1;2) nén u; = CMACN = (—2;—2;-3).

— Taco AE = (2;1;2), AF = (1;2;2) nén w3 = AE A AF = (—2;—2;3).

— Suy ra
NG uy - Uy 1

Chon dap an @ O

Cau 1571. Biét rang phuong trinh 2% + 2% 4+ 222 + 32 — 3 = 0 ¢6 hai nghiém thuan 4o. Tich ctia hai
nghiém d6 bang

A. 3i. B. -3. C. 3. D. 3.
Li giai.
— Ta cé
z=+3i
AP 422432 -3=0 (2+3) (P +z2-1)=0& 1445
2=,
2

— Suy ra 2 nghiém &o ctia phuong trinh da cho 1a —v/3i va v/3i.
— Vay tich 2 nghiém ao ctia phuong trinh da cho 1a 3.
Chon dap an @

Cau 1572. Goi z; va 2 la hai nghiem phiic ctia phuong trinh 522 — 42 + 2 = 0 . Gi4 tri ctia biéu

4

thic 2725 + 232 béng

A —. B. —. C. —. D. —.
25 25 25 25
Laoi giai.
21 + Z9 — g
— Theo dinh 1y Vi-et 9
Z172 = g
— Ta ¢ 22y + 2521 = 2129(21 + 22) = 2 . % .
! ? 5 5 25
Chon déap an @ OJ

Cau 1573. Goi S la tap hop gid tri thyc clia tham s6 m sao cho phuong trinh 22— (m+4)z+m?+3 = 0
¢6 nghiém phitc zy théa man |zg| = 2. S6 phan t1t ctia tap hop S la
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A 4 B. 3. C. 2. D. 1.
Loi giai.
Dit z = a+ bi v6i a,b € R: |2]* = a* + b? = 4. Phuong trinh trd thanh

a? — b* + 2abi —a(m +4) —b(m +4)i +m* +3=0
a? = b —a(m+4)+m*+3=0
{Zab—b(m—l—4) =0
a?—b—a(m+4)+m*+3=0 (%)
= m + 4

b: = —
OVa 5

V6ib=0=a= 2.
. m+4 2 2 2 2
VOla:T:>4a:(m+4) = 4b* =16 — (m + 4)*.

Ta xét cac truong hgp sau

a=2 m=v2+1
— thé vao (x) taco m* —2m —1=0 &
b=0 m=—v2+1.
a=-2
— thé vao (x) tacom?*+2m+15=0<m e o.
b=0
m+4
a=—-" )
— 2 thé vao () ta co

4b* = 16 — (m + 4)?

4a® — 4b* — da(m +4) +4m* +12 =0
& 2(m+4)2 —16—2(m+4)? +4m? +12=0
& 4mP—4=0
& m o= %1,

V6im = 1= 4b?> = 16 — 52 < 0 nén m = 1 khong thda.

+
Voim— 1o 42— 16— 3 = b= YT

, nhan m = —1.

Vay c6 3 gia tri m thda dé bai.

Chon dap an O
Cau 1574. Gia st 21, 2y 1a cac nghiém ciia phuong trinh 22 + 4z + 13 = 0. Tinh gi4 tri ctia bicu
thic A = |21|2 + |ZQ|2.

A. 22 B. 20. C. 26. D. 18.
Loi giai.
21 =—2+3i
22 +424+13=0& .
29 =—2—31
Vﬁy A= ’Zl|2 + ’22’2 = 26.
Chon dép &n (C) O

Cau 1575. Biét ring phuong trinh 2* + 23 + 222 4+ 32 — 3 = 0 ¢6 hai nghiém thuan 4o. Tich phan
4o ctia hai nghiem d6 bang

A, —3i. B. 3. C. -3. D. 3.
Loi giai.
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— Ta c¢o
z=+V3i
A 422 432-3=0e (2+3)(P+z-1)=0% 145
7= ——.
2

— Suy ra 2 nghiem 4o ctia phuong trinh da cho la —v/3i va /3.

— Vay tich phan &o ciia 2 nghiem &o la —v/3 - v/3 = —3.
Chon dap an @ O
Cau 1576. Goi z; v 2, la hai nghiem phitic ctia phuong trinh 522 — 4z + 2 = 0. Gia tri ctia biéu

thic 2725 + 232 béng

2 -8 8 —2
A = B. —. C. —. D. —.
25 25 25 25

L&i giai.

Ap dung he thic Vi-ét tren tap sé phic ta c6

Z1+ 29 = 5
2
Z1R9 = g
a2 2 8
Vay 2720 + 2521 = z129(21 + 22) = %
Chon dap an @ OJ
Cau 1577. Tim tham s6 m dé phuong trinh 22 + (2 — m)z + 2 = 0 c6 mot nghiem 1a 1 — .
A . m=-2 B. m =6. C. m=2. D.m=4.
Loi giai.

Ta c6 1 — i la nghiém ctia phuong trinh 22 + (2 —m)z +2 =10
& 1-i)*+2-m)(1—4i)+2=0
& m—4)i+4—m=0
& m=4.
ChQﬂdépéH@ O

Cau 1578. Goi 21, % 1a hai nghiem phtic clia phuong trinh 2% + 2z + 10 = 0. Gia tri cia biéu thiic
T = |z1|? + |22|* bang

A..TZQ\/10. B.T:]_O‘ C.T:1/10' D‘T:20.
Loi giai.
21 =—14+31
Tacoz2+224+10=0<
29 = —1 — 31.
Vay T = [z + |2 = (=1)* + 87 + (=1)* + (=3)* = 20.
Chon dap z’m@ OJ

Cau 1579. Goi 21, 22 1a hai nghiém phtc ciia phuong trinh 22 — 2z + 2 = 0. Gi4 tri ctia biéu thic

2] + |23] bang

A. 8. B. 0. C. 4. D. 8.
L&i giai.
21 :1+Z
2 —2242=0¢
9 = 1—2.

Vay |23] + 23] = 4.
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Chon dap an @ 0
Cau 1580. Goi z1, 29 13 hai nghiém ctia phuong trinh 22 — 2z +2 = 0. Tinh M = 2} + 23.
A M= -8i. B. M =8. C. M =-8. D. M = 8.
Loi giai.
Tacdzg—22+2=0= ZZl_Z.
z=1+1
Goizi=1—d,20=1+i Khido M =z} +25=(1—-0)*+ (1+1)*=-8.
Chon dap an @ O

Cau 1581. Gia stt 21, 2o 1a hai nghiém clia phuong trinh 22 — 2z +5 = 0 va A, B la cac diém biéu
dién ciia 21, 2. Khi d6 toa do trung diém I ctia AB la
A. 1(0;1). B. I(—1;0). C. I(1;1). D. I(1;0).
Loi giai.
Phuong trinh 22 — 2z + 5 = 0 ¢6 hai nghiém phtic 1a 2 = 1 + 24, 2o = 1 — 2i.
Diém A, B biéu dién s6 phiic 21, 2 nén c6 toa do A(1;2), B(1; —2).
Suy ra trung diém I ctia doan AB c6 toa do 1a I(1;0).
Chon dap an @ 0
Cau 1582. Cho 2;, 23 1a hai nghiém phiic ctia phuong trinh 222 + 1 = 0 (trong d6 s6 phiic 21 ¢6
phan 4o am). Tinh 2; + 3z,.
A. 2 + 3z = V2. B. 21 +3:=-—V2  C.2z14+32%=—v2i. D.z+3n=V2
Loi giai.

2 R 2. 2

22 4+1=0& 2= iTi' Do z; ¢6 phan 40 am nén z; = —gz VA 29 = \/7—2.
2 2
=21+ 32 = —gi —|—3§z’ = /2i.
Chon dap an @ U
Cau 1583. Goi 2; va 2 1a hai nghiém phtic clia phuong trinh 22 — 2 + 3 = 0. Tinh gia tri biéu thic
21| + |zal.
A. 3. B. V3. C. 3v2. D. 21/3.

Loi giai.

Phuong trinh 22 —24+3=0c6 A =1-3-4 = —11 = 11:%. Khi d6 phuong trinh c6 hai nghiém phiic

11T

2
1+ V1l
= T.

21
1a

Z9

1++v1le

V12 /12
2 p—g + g

2v3.
2 2 V3

Do d6 |z1| + |22| =

+

1—+v11e
2

Chon dap an O
Cau 1584. Goi 21, 2, 1a hai nghiém phiic clia phuong trinh 22 — z +1 = 0. Tinh gia tri biéu thiic
S = |z1| + |22

A V3. B. 4. C. 2. D. 1.
Loi giai.
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l
:>S:|21’+’22|:1+1:2

21 = +

Tac) 22 —z24+1=0&

| = N =
[\ [\
R

Z9 =
Chon déap an @ O
Cau 1585. Goi 2;; 2, 1a hai nghiém ctia phuong trinh 22 — 42 + 9 = 0. Gia tri ctia biéu thic
P = |21|2 + |z2|2 bang

A9 B. 6. C. 18. D. 10.
Loi giai.
9 21 = 2 — ’l\/g

Xét phuong trinh 22 =424 9=0& (2 —2)" = -5 &

2 2
Khi d6 P = |12 + |2)? = ‘2 - u/ﬁ‘ + ’2 +z\/5‘ —18.

Chon dap an (C) O
1 1
Cau 1586. Ki hiéu 21, 2, 1a hai nghiém phiic ctia phuong trinh 22— 246 = 0. Tinh P = —+ —.
21 Z9
1 1 1
A P=—. B. P=-. C.P=—. D. P=6.
12 6 6
Loi giai.
1 23 1 V23
Phuong trinh 22 — 2z + 6 = 0 ¢6 nghiem 1a 2; = 5 + TZ va 29 = 5~ TZ

1 1 1
Suyra P=—+4 — = —.
21 z9 6

Chon dap an OJ
Cau 1587. Cho hai s6 thuc b, ¢ (¢ > 0). Ki hidu A, B la hai diém ctia mit phang phiic biéu dién hai
nghiém ctia phuong trinh 22 + 2bz + ¢ = 0. Tim diéu kién ctia b va ¢ sao cho tam gidc OAB 1a tam
gidc vuong (véi O 1a goc toa do).

A. c =20 B. c=0. C. c=10. D. b = 2c.
Loi giai.
Tl yéu cau bai toan ta c¢6 phuong trinh 22 + 2bz + ¢ = 0 ¢6 hai nghiém phiic

z1=—b—iVec—02,29 = b+ ivec— b2

Chi § A = B2 — ¢ < 0.

Goi A(—b; —v/c — B2), B(—b; v/c — b2). Ta dugc OA(—b; —v/c — b2), OB(—b; v/c — B2).

Ta c6 tam giac OAB can tai O, A vd B d6i xting qua truc hoanh.

Tam gidc OAB vuong tai O < OA-OB =00 — (c— 1) =0 b2 =c—b® < ¢ = 22,

Chon dap an @ O

Cau 1588. Cho s6 phtic w va hai s6 thuc a,b. Biét z; = w — 2 — 3i vA 2z = 2w — 5 13 hai nghiem
phtic ctia phuong trinh 2% + az + b= 0. Tinh T = |2} + |23].
A. T =4/13. B. T = 10. C.T=5. D. T = 25.
Loi giai.
zn+2=—a (1)

Theo dinh 1i Vi-ét
21+ R9 = b (2)

Theo gia thiét = 22, — 2 = 1 — 6i  (3). Tit (1) va (3) = 3
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1 142 1)1 42 442
Thayvao(2)2>( 3a—2@'><— +3a+2@'):b<:>(a )é T2 Ly A2,

3
—1)(1+2

(@-DO+2) o
Via,b € R nén 9 & :

44+ 2a b=25

=0

Khi d6 21 =1 —2i, 20 = 1 +2i = T = |}| + [23| = 5.
Chondépén@ OJ

Cau 1589. Cho phuong trinh 2% — 2z + 5 = 0 ¢6 2 nghiém phitic 1a 21, 25 trong d6 z; 1a nghiem c6
phan 4o am. Tinh gia tri ctia biéu thic P = 2|z, — 4| + |22

A. 3V/5. B. 15. C. 2¢/10 + /5. D. 22 + /5.
Loi giai.
Phuong trinh 22 — 2z 4+ 5 = 0 ¢6 hai nghiém 13 1 4 2i. Theo gia thiét suy ra z; = 1 — 24, 2z, = 1+ 2i.
Vay P = 2|1 —2i —i| + |1+ 2i| = 24/12 + (=3)2 + V12 + 22 = 23/10 + /5.
Chon dap an @ O

Cau 1590. Gia sit 21, 23 1a 2 nghiem phtic clia phuong trinh 22 + (1 — 2i)z — 1 —4 = 0. Khi do
|21 — 22| bang

A. 3. B. 1. C. 4. D. 2.
Lo giai.
Xét phuong trinh 22 + (1 — 2i)z — 1 — i = 0, ¢6 bist thic A = (1 — 2i)? — 4(—1 — i) = 1. D6 d6
phuong trinh ¢6 hai nghiém phan biét la

—(1-25)+1 —(1—22)—1 .
21:—( 2) =1, zzz—( 2) =—1+u.
Chon dap an O
Cau 1591. Phuong trinh 2% +az +b =0 (a,b € R) ¢6 mot nghiem phiic 1a 2 + 4. Tinh gia tri cta
ab?.
A. —20. B. —100. C. 100. D. —36.
Laoi giai.
Phuong trinh ¢6 mot nghiém phtic z; = 2 + ¢, vay nghiém phitic con lai la 29 = 2 — i. Theo dinh Iy

Vi-ét ta co
21+2=4=—a a=—4
=
21'22:5:b b=0>5.
Vay ab® = —100.

Chon dép an (B) O

Cau 1592. Goi z; 1a sd phtic ¢6 phan 4o am ciia phuong trinh 22 + 2z + 2 = 0. Tim s6 phiic lién
hop ctia w = (1 4 2i) 2.

A w=1-3. B.w=1+ 3. Cw=-3+:. D w=-3-1.
Loi giai.
z=-1—1
Taco 22 +22+2=0«
z=-1+1.
Dod6z =—-1—iSuyraw=(14+2i)z=1-3ivaw =1+ 3i.
Chondépén O

Suu tam € bién soan Th.s Nguyén Chin Em 405 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 1593. Biét z; va 2, la hai nghiém clia phuong trinh 222 + V3243 = 0. Khi d6 gia tri cua

22+ 22 1a

9 9
A. 9. B. 4. C. -. D —.
4 4
Lo gii.
2
3 3 9
Chon dap an @ 0

Cau 1594. Goi 21, 25 (21 ¢6 phan 4o 16n hon z) 14 hai nghiém phiic cia phuong trinh 22 —42+6 = 0.
Phan 4o clia (29 + 2021) 1
A V2. B. V2. C. —/2i. D. V/2i.

Loi giai.
2=2—iV2
2 =2+1iV2.
Theo gia thiét, 21, 22 (21 ¢6 phan 4o 16n hon zy) 14 hai nghiém phiic clia phuong trinh 22 —4z+6 = 0

. 7 =24+ 2
e {22 =2+iV2
Vay phan 4o clia 2, + 202, bang /2.
Chon dap an O

Cau 1595. Cho b, ¢ 1 cac s6 thuc. Biét z; = 1+ 1a mot nghiém ctia phuong trinh bac hai an phiic

Tacc’)z2—4z+620(:>[

= (ZQ + 2221) =8+ ’L\/§

201822 + bz 4+ ¢ = 0. Nghiém 2, con lai ctia phuong trinh 13
A z2=1-—1. B. 2z, =2018(1 —1). C. zg=-1+1. D. z, = 2018 — 7.
Loi gii.
Do phuong trinh da cho c6 hé s6 thic nén 2 =z = 1 — 4.
Chon dap an @ O
Cau 1596. Trén tap s6 phiic C, goi 21, 29 va 23 1 ba nghiém ctia phuong trinh 23 —822+372—50 = 0.
Tinh gia tri biéu thic P = |21 + |2a| + |23].
A. P=10. B. P=09. C. P=11. D. P=12.
Loi giai.
Ta co
2% — 82" +372—-50=0
& (2—-2)(2* —62+25) =0
z =2
< |z2=3+4
z =3 — 4.

Vi trong P = |21] + |22 + |23] thi 21, 22, 23 ¢6 vai trdo nhu nhau nén

P = |z1]| + |zo| + |23] = 2| 4+ |3 + 4i| + |3 — 4i| = 12.

Chon dap an @ O
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Cau 1597. Biét rang phuong trinh 22 + bz + ¢ = 0, b,c € R ¢6 mot nghiém phiic 1 2; = 1 + 2i.
Khang dinh nao sau day la ding?
A b+c=0. B.0+c=2. C.b+c=3. D.b+c=T.
Loi giai.
2 1a mot nghiém ctia phuong trinh 22 + bz + ¢ = 0 nén
Z+bnt+e=0 & (1+2)>+b(1+2i)+c=0
& btc—3+(4+2)i=0

= b4+c=3.
Chon dép an (C) O
Cau 1598. Trong C, phuong trinh z* + 1 = 0 ¢6 nghiem 1a
1 1
A. —1;§i£¢. B. —1;1i£¢. C. —1;—i£i. D. —1;—i£i.
4 4 2 2 2 4 4
Loi giai.
Ta thay
2+1=0
S+DEF—-2+1)=0
(2= —1
1 V3.
z2==——1i
e 2 2
1 V3
_Z = 5 -+ 72.
Chon dép an (C) O
Cau 1599. C6 bao nhieu s6 phiic z thod méan 2% + |z| = 07
A 4. B. 2. C. 3. D. 1.
Loi giai.
Ta thay
2241z =0 (1)
= 2% = —|z|
= [2°[ == Il

= |2* = |z|

2| =

=
|zl =
[ =0

= |z =4
|z = =1
[z =0

(__1;
|z = +1.

Chon dap én@ O
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Cau 1600. Biét 21, 2, 1a cac nghiém phiic ctia phuong trinh 22 —4z+5 = 0. Gia tri biéu thic ! + 2

Z9 21
. 3 4 16 6
A = B. —. C. —. D. -
5 5 5 5
Loi giai.
Theo dinh 1y Vi-ét ta c6 21 + 20 = 4,21 - 20 = 5. Vay
21 oz 2422 (n+ 22)2 — 2229 42-2.5 6
— + —— — fry = —
Z9 21 VAR AR) 5 5
Chon dap an @ [l

Cau 1601. Cho s6 phiic z thdéa méan 22 —2z+3 = 0. Tinh |w| biét w = 22018 — ;20174 ;2016 4 3,2015 4
322 —2+9
A 9V3. B. V3. C. 5V/3. D. 2018v/3.
Loi giai.
Ta c6 w = 22919 (22 — 22 4 3) + 22919 (22 — 224+ 3) + 3(2* — 22 + 3) + bz = 5z. Vay |w| = 5z|.
Tir phuong trinh dé dang tim duge |z| = /3. Vay |w| = 5v/3.
Chon dap an (C) O

Cau 1602. Goi 2y 1a nghiém phtic ¢6 phan 4o duong ctia phuong trinh 422 + 4z + 37 = 0. Trén mit

phang toa do, diém nao dudi day la diém biéu dién ctia s6 phiic izg?

1 1 1 1
A. M. (—3;—). B. M. <3;—>. C. M. <3;——). D. M (—3;——).
2 2 A7 2 ! 2 ! 2
Lai giai.
1
z2=—=+3
42 +42437T=0¢ :
- - _3
1 ) 2 Z 1 1
Suy ra 2y = 5+ 3i =iz = —3 — Ei' Do dé6 iz, c6 diém biéu dién 1a M, (-3; —§>.
Chon dap an @ 0
Cau 1603. Biét z;, 2 1a cic nghiém phiic clia phuong trinh 22 — 2 + 2 = 0. Tinh a4z
Z9 21
1
AL B. 2 c. 2. D. 2.
2 2 2 2
Lai giai.

zl+ﬁ_zf+z§_(21+22)2—2z122 (1)2—2-2 3

29 21 AR Z1%2 2 2
Chon dép an (B) O
Cau 1604. Goi 2, 2, 14 hai nghiem phtc ctia phuong trinh 222 — 32+ 7 = 0. Tinh gia tri biéu thic
P = |Zl| + |ZQ|
A. P =23 B. P=14. C.P=T. D. P =14.
Loi giai.
3 V47 3 VAT
Phuong trinh 222 — 32 + 7 = 0 ¢6 hai nghiém z; = 1 + e , 2] = 1 ——i. Tu d6 ta tinh duge
P = |Zl| + |ZQ| =V 14.
Chon dap an @ O
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. 1
Cau 1605. Co6 hai so phitic z théoa man s

—2—4=01a 2, 2. Tinh T = |z, — i + |2, — |~

z+
A. T =10. B. T =8. C.T=5. D. T = 16.
Loi giai.
5, V3.
Z+1 21:—§+7Z
—2-4=024+1-(:2+4)(2+2)=0& -2 -52-T=0&
z 42 5 V3,
22——2— 2Z.
5 5 3 1
T = —§+£¢— ' —1—‘—5—\/7—1'—2 :1[25+(\/§—2)2+25+(\/§+2)2]:16.
Chondépén@ O

Cau 1606. Goi 21, 2o & hai nghiém phiic ctia phuong trinh 22 — 4z +5 = 0; M, N lan ludt 1a cac
diém biéu dién 21, 2, trén mit phang phic. Do dai doan thang M N la
A. 2. B. 2V/5. C. 4. D. V2.
Lo gii.
Phuong trinh 22 — 42 +5 = 0 ¢6 hai nghiem 13 z; =2 +4 vA 25 = 2 — 4.
Vay M(2;1), N(2;—1) néen M N = 2.

Chon dap an @ O
Cau 1607. Goi 21, 2 la cac nghiém ctia phuong trinh 422 + 4z + 5 = 0. Tinh gia tri ctia biéu thic
|21] + [22]-

AL B. V5. C. ? D. g
Loi giai.

Do phuong trinh bac hai v6i hé s6 thuc c¢6 hai nghiém z; va 25 13 lien hgp ctia nhau, tic 1a Z; = 2.

5 5
Tu do ta co |211|2 = 2121 = 21%y = E = - = ’21| = £
N a 4 2
5
Tuong tu ta cb |z = 5 tit d6 suy ra |z1] + |22 = V5.
Chon dap an O
Cau 1608. Cho phuong trinh z? — 6z + 10 = 0. Mot nghiém phiic ctia phuong trinh da cho 1a
A z2=2+ 3. B. z2=5—4. C. z=1+u1. D.z=3-1.
Loi giai.
z=3+1
22 —-62+10=0%
z=3—1.
Chon dap an @ O
Cau 1609. Goi 21, 2 la hai nghiem phic cta phuong trinh 222 + V32 + 3 = 0. Khi d6 s + l
Z9 21
bang
3 V3 3 V3 3
A. —i. B. ——— + =i, C. —. D. ——.
2! > T3 2 2
Loi giai.
3
21+ 29 = —£
Theo dinh 1i vi-ét ta c6 ; 2
2129 — 5

Suu tam € bién soan Th.s Nguyén Chin Em 409 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Ta co

Z1 29 . Z% + Z% . (21 + 22>2 — 22122 - <

22 21 2122 21%2

Chon dap an @ O

Cau 1610. Goi 2, 2, la hai nghiém ctia phuong trinh 22 4+ 2z + 10 = 0. Tinh gia tri ctia bicu thiic
A=1z*+ 2%
A. A=2V10. B. A =20. C. A=10. D. A= /10.
Loi giai.
Phuong trinh ¢6 hai nghiém la z; = —1 — 37, 20 = —1 + 3.
Suy ra A = |z1]* + |z2]* = 20.
Chon dap an O

Cau 1611. Goi 21, 23 1a cac nghiém phiic ctia phuong trinh 2% —4z+5 = 0. Gia tri ctia (z; — 1)2018 +
(29 — 1)?18 biang

A. —21010; B. 21009, C. 0. D. 22018,

Lai giai.

Phuong trinh 2?2 — 4z + 5 = 0 ¢6 hai nghiem 1a 2; = 2 — i va 2 = 2 + 1.

Ta co

(Zl o 1)2018 4 (ZQ - 1)2018 — (1 - ?:)2018 4 (1 4 Z')2018

_ [(1 . Z)2] 1009 + [(1 + 2)2] 1009
_ (_22-)1009 + (22~>1009
_ (2i)1009 + (22.)1009 = 0.

Chon dép &n (C) O

Cau 1612. Cho s6 phiic 2y ¢6 |z| = 2018. Dién tich ciia da gidc c6 cic dinh la cac diém biéu dién

1 . .
cua zg va cac nghiém cta phuong trinh I + — dugce viét dang nv/3, n € N. Chit s6 hang
z 20 z 20

don vi cia n 1a

A. 9. B. 8. C. 3. D. 2.
Loi giai.
z#0
Dieu kién 7
2+ 29 # 0.
Ta c6
1 1

1
= — — & =
P + = 220 = (2 + 20)2 + (2 + 20) 20

& P+2zt+z=0
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1 1 1 1 3 1 3
Nhu vay, phuong trinh = —+—c6 hainghiémlaz; = | —= — £ Zovazy = —=+ \/—_z 2.
z24+20 z 2 2 2 2 2

Goi My, M, M, lan lugt 1a cac diém biéu dién cac s6 phic zg, 21, 2.

3 V3,

3 3

MoM,y = |21 — 20| = (—5 — %z) 2| = ‘—5 — =4 - |20] = 2018V/3.
3 3 3 3

MMy = |z — 2| = (—5 + §z> 2= |5+ \/7_1 -|z0] = 2018+/3.

MMy = |2 — 2] = |(v/3i) Zg‘ — 2018+/3.
Nhu vay, tam giac MoM; M, la tam gidc déu canh bing 2018+/3. Dién tich ciia tam gidc MM M, 1a
2
(2018v3)" V3
S = . — 3054243V/3.
Do d6 n = 3054243, chit s6 hang don vi ctia n 13 3.
Chon dap an @ O

Cau 1613. Goi 21, 2 la hai nghiém ctia phuong trinh 22 — 22 — ¢ = 0. Tinh gia tri ctia biéu thiic
P = |Zl + 20 — 22|

A V5. B. 9. C. 2V2. D. 4.
Lai giai.
Theo dinh Iy Vi-6t ta c6 z; + 2, = 2 nén P = |2 — 2i| = 2v/2.
Chon dap an (C) O

Cau 1614. Cho cac s6 phtic z; = 3 + 24, 2 = 3 — 2i. Phuong trinh bac hai c¢6 hai nghiém z; va 2,
la

A 22 +62—-13=0. B. 22 +62+ 13 =0. C. 22-62+13=0. D. 2> - 62—-13=0.
Laoi giai.
Tacoé: 21 +29=06, 21 - 20 =13

Suy ra phuong trinh bac hai c¢6 hai nghiém z; v 25 1a 22 — 62 + 13 = 0.

Chon dép &n (C) O
Cau 1615. Goi 2z la nghiém phiic c6 phan 4o am ctia phuong trinh 222 — 62 4+ 5 = 0. S6 phic iz
bang
1 3 1 3 1 3 1 3
A —— 4 =i, B. -+ =1 C. — ——i. D. - — -
2 2 2 2 2 2 2 2

Lo gii.

3+
Ta 6222 =62 +5 =02 = — Z.

) 3 1. 1 3
Dodozoz——ﬁzizzozi—i—ﬁz.
Chon dap an O
Cau 1616. Goi 21, 22, 23 12 ba nghiém phiic clia phuong trinh 2% +8 = 0. Gia tri clia | 21|+ |22] + | 23]
bang
A 2+2V3. B. 3. C. 2+/3. D. 6.
Lo giai.
z= =2
z=—2
Taco 2 +8=0& (24+2)(22-22+4)=0& & lz=1-3i.
22 —2244=0

z=1+3i
Do do ’21’ + ’22‘ + ’2’3‘ = 6.
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Chon dép an (D) O

Cau 1617. Phuong trinh 22 + z 4 3 = 0 ¢6 hai nghiém z;, 2, trén tap hop sé phitc. Tinh gia tri clia
biéu thitc P = 22 + 22.

A. P=-5. B.P:—?. C. P=6. D. P=T.
Loi giai.
1 V11
Z2=—=+1
062 +2+43=0% 22
1 VIl
Z2=—=—t1—
2 2 2 2
1 V11 1 V11
ay P=|—-—=+i— —— —1— | = -5
Vay ( 2—1—@ 5 ) +< 5 1 > 5
Chondépén@ O

Cau 1618. Trén tap hop sd phiic, cho phuong trinh 22 + bz 4+ ¢ = 0 v6i b,c € R. Biét rang hai
nghiém ctia phuong trinh c6 dang w + 3 va 3w — 8 + 13 v6i w 1a mot s6 phite. Tinh S = b? — 3.

A. S5 =-496. B. S§=0. C. S=-26. D. S=28.
Loi giai.
Goizi =w+3=m+niva z,=3w—8 + 13 = m — nt, v6i m, n € R la hai nghiém phiic ctua

phuong trinh.

—13 8- =m=3 (m=-2
Vaytacow=m—3+mi= 21 2o 3 @{

3 3 8—n

, vay ta suy ra S = b? — 3 = —496.

21+22:—b:2m b=4
Mat khac ta co =

212’2:C:m2+n2 c=

Chon dap an @ 0

Cau 1619. Goi zy, 29 1a cic nghiém clia phuong trinh 22 — 2z + 5= 0. Tinh P = 2} + 25.

A. —14. B. —14s. C. 14. D. 14s.
Loi giai.
z=1+2
eTac6z2—224+5=0<
z=1— 2.
e Do do P =z{+ 25 = (1+2i)* + (1 —2i)* = —14.
Chon dap an @ OJ

Cau 1620. C6 bao nhiéu sb thiyc m sao cho phuong trinh bac hai 222 +2(m — 1)z +2m+1 =0 c6
2 nghi¢m phtic phan biét 21, zp déu khong phéai 1a s6 thuc va théa man |z1| + |2z2| = V/10.

AL B. 2. C. 3. D. 4.
L&i giai.

Do 21, z; khong phai s6 thuc nén 21, 2, 1a cdc s6 phiic lien hop. Suy ra 2120 = |21[* = |20]2.
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|21] 4 |22[ = V10
21”4 [22]” + 2|21 ][ 22| = 10

22129 + 2|21 22| = 10
2m+1 9 2m+1
2 2

2m + 1| = 9 — 2m

2

-~ 10

(I

m = 2.

3 1 R
V6i m = 2, phuong trinh ¢6 2 nghiém z; = —5 + El va 29 = -5~ 5@ théa man yéu cau bai toan.

Chon dap an @ O

Cau 1621. Goi 2z; vd 2 1a hai nghiém phiic ciia phuong trinh 22 — 6z + 11 = 0. Tinh gia tri cta
biéu thic H = 32| — |29].

A. H =22 B. H =11. C. H = 2V11. D. H=+/11.
Loi giai.
Ta co

2 =34+ V2

29 = 3 — /2.

Ma |21] = | 20| nén H = [321] — |2] = 3|21| — |21| = 2|z = 2 ]3 + \/52‘ = 2y/11.

Chon dép an (C) O

22—6z+1120@[

Cau 1622. Cho phuong trinh 22 — 4z + 5 = 0 ¢6 hai nghiém phitic 14 2;, 2. Tinh A = |21| + |22| +
21+ 2.
A. A=25+25. B. A=0. C. A=5-2V5. D. A=5+2V5.
Lo giai.
Do 21, 2 1a hai s6 phiic lién hgp ctia nhau nén |z |* = |2)? = 21 - 22 = 5.
Suy ra A = 5+ 2v/5.
Chon dap an @ O
Cau 1623. Cho 2, 2 la hai s6 phic théa man 22 — 4z + 5 = 0. Bidu thic P = (z; — 1)*"® +
(25 — 1)°'® ¢6 gié tri bing
A. 0. B. 22018, C. 21009, D. 2.
Loi giai.
Ta thay P la biéu thic c6 tinh déi xtng v6i z; va zo.
Ta c6 A’ = —1 = 42, Do d6 phuong trinh c6 hai nghiém phtic 2 =2 — i vA 2o = 2 + 1.
Khi dé

P=(1—)®8 4 (14028 = [(1-97]""" + [(1+4)2""
— (_27;)1009 + (27;)1009 — _210092' + 210092' =0.
Chon dap an @ O

1 2
z 4+ —| = 2. Khang dinh nao

z

Cau 1624. Goi d la gia tri nhé nhat ctia mo-dun sbé phiic z théa man

sao day la ding?
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A . de <2;g>. B. de€(1;2). C. de (§;3>. D. d € (0;1).

L&i giai.

1 1
24+ —-|=2 |2+ —

z z

< (4

z  Z 1
& |z|2+§+;+—2:4

2]
& yz\2+"'2|:|222+#:4
2+ 2)% = 2|z2]2 1
N |Z|2+( ‘)Z|2 2] W:4
e |2t =62 +1=—(2427<0
= 3-2V2< 2P <3+2V2
e V2-1< ] < V241

Z=—Z
|z| = v/2 — 1 khi
2] =v2 - 1.
Vay d=+2—1=d € (0;1).
Chondépén@ O

Cau 1625. Cho phuong trinh 22 — 2z +c¢ = 0, (c € R, ¢ > 1) ¢6 hai nghiém phtic z; va 2z5. Biét rang
21 1& s6 phitc ¢6 phan 4o duong va |z;| = 5v/2. Tinh |21 — 29|

A. 14. B. 12. C. 2v46. D. 6.
Laoi giai.
Taco A'=1—c= (\/c—li)2:>21:1+\/c—1i.
21 = 1 + 7
Vi |21 = 5v/2 = ¢ = 50. Do vay ta c6 = |z1 — 2| = 14.
Chon déap an @ OJ
Cau 1626. Biét 21, 2, 1a cac nghiem phiic ctia phuong trinh 22 —4z+5 = 0. Gia tri biéu thitc 2 + 2
22 Z1
la
1 —4
A% B. —2. c. 2 D. Y
5 5 5 5
Loi giai.
Theo dinh ly Vi-ét ta c6 21 + 20 =4, 21 - 20 = 5. Vay
R 42 (it =)’ —2un 6
Z9 Z1 N 2179 N 2129 N 5
Chon dap an @ O

Cau 1627. Cho s6 phiic z thdéa man 22 —2z+3 = 0. Tinh |w| biét w = 22018 — 72017 4 ;2016 4 3,2015 4
322 —z+409.

A. V3. B. 2018/3. C. 9V/3. D. 5V/3.

L&i giai.
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Ta c6 w = 22010(2% — 22 + 3) + 2291%(22 — 22 + 3) + 3(2% — 22 + 3) + 52 = 5z.

Vay |w| = 5|z].

Tir phuong trinh ta tim duge z = 1 £ 4v/2, tit d6 dé dang tim duge |z| = /3. Vay |w| = 5v/3.

Chon dép an (D) O
Cau 1628. Goi z; v 29 (29 ¢6 phan 4o am) 1a hai nghiém phiic ctia phuong trinh 422 — 3z + 3 = 2.
Gia tri ctia bidu thitc 2018 |221| — 2017 |22,| bing

A. 3V/2. B. 2V/3. C. 3. D. V3.

L&i giai.

1 V2.
Z2==—4+—01=2 3
— Taco4z?—32+3=z4*-4243=0% 2 2 = |z1| = |z = —
1 V2.
2= — —i =29
V3 2f2
3 3
— Vay 2018 |2z1| - 2017 [225] = 2018 -2 = — 20172+ = = /3,
Chondépén@ O

Cau 1629. Goi 21, 2, 13 hai nghiém ctia phuong trinh 22 — 2z + 2 = 0. Tim phan 4o ctia s6 phiic
. . 2018
w = [ — 22)(i — 22)
A 21009, B. 21009 C. 22018, D. — 22018,
Loi giai.
. . . 21+ 29 = 1
Ap dung dinh Iy Vi-et ta c6
21 Ry = 2.
Mat khéc, ta co

W — [12 —i(z + 2) + 2122}2018 _ (1_7:)2018 _ [(1 _ 1)2] 1009 _ (—2@')1009 _ —21009-i-(i2)504 — _9l009 ;-
Vay phan 4o ciia w 1a —21009,
Chon dap an O

Cau 1630. Goi 21, 2 la hai nghieém phiic ciia phuong trinh 2% — 4z + 5 = 0. Gia tri ctia biéu thic

2] + |23] bang

A. 10. B. 20. C. 6. D. 6 — 8i.
Loi giai.
Theo dinh 1li Vi-ét ta c6 z1 + 29 = 4, 2129 = 5.
Cha y rang |22 = |z1] - |21] = |21] - |22] = |2122| = 5, tuong tu |23| = 5.
Vay ta c6 |27] + |23] = 10.
Chon déap an @ OJ
Cau 1631. Goi 21, # la hai nghiém phtic cia phuong trinh 222 + V3243 =0. Tinh gié tri ctia biéu
thic T' = 2L + Q.

Zo oz

A.T:gi. B.Tz—?—i—%i. C.T:—g. D.T:—;.

Loi giai.

Z9 1 2129 2129 § 2
2
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Chon dép an (D) O

Cau 1632. Goi z 1a nghiém phic ¢6 phan 4o duong clia phuong trinh 422 — 16z + 17 = 0. Trén
mat phang toa do, diem nao dudi day la diém bicu dién ctia s6 phitc w = izy?
1 1 1 1
A. M- (——;2). B. M <—;2>. .M <——;1). D. M. (—;1).
2\ 75 1\ 3 C. My 1 1\ 7
Loi giai.

1 1 1
e Phuong trinh da cho c6 2 nghiém 2 + 52 va 2 — 51 Do d6 zp =2+ 52

1 1
ow:i20:—§+2i:>]\/[<——;2).

2

Chon dap &n (A) O
Cau 1633. Biét phuong trinh 22 +az + b = 0 (a,b € R) c6 mot nghiem phiic 1a 29 = 1 + 27, tim
a,b.

a=—2 a=—2 a=>5 a=2>5

A. : B. : . D. .

b=5 b=5 b=—2 b= -2

Loi giai.

Nhan xét: Phuong trinh bac 2 luén ¢6 2 nghiém phtc lién hogp.
Do do, 2 nghiém ctia phuong trinh da cho la z; = 1+ 2i va 2o = 1 — 24.

21+ 2= —a a=—2
Ta co =
21.22:[) b=5

Chon dap an O
Cau 1634. Goi 2z, 2, 1a hai nghiém ctia phuong trinh 22 — 22 + 5 = 0. Tinh gia tri clia biéu thic
P = Z_% + Z_%
z9 21 .

22 38 22

A —. B. —. C. ——. D. —12.
) 5 5

Loi giai.
TacéP:Z_%+Z_§: (214 22)" = 3z129(21 + 22) — 22-3-5-2 :_g.
22 0z 2129 5) 5)

Chon dap an @ O

Cau 1635. Cho s6 phiic z théa man 112298 + 10i22°'" 4 10iz — 11 = 0. Ménh dé nao sau day
ding?
A. |2 € [23). B. |2 € [0:1). C. |+ € (1:2). D. |2 Bg)
Loi giai.
Goi z =a+bi (a,b € R). Ta cod

112218 4+ 10027 +10iz — 11 =0

11 — 1022
2017 - » 2017
= 1124+ 107) =11 — 10z & =
2z (11z i) 12 & 2 11> = 10;

o017 (11 4 10b)* + (10a)? 100(a? 4 b*) + 2200 + 121
(11a)? + (115 + 10)2 121(a2 + b2) + 220b + 100

Xét hiéu
H = 121(a” + b%) + 220b 4 100 — [100(a® + b*) 4 220b + 121] = 21 (a® + b* — 1) .

— Néuz|>1=ad®+VP>1=H>0&k<1(voly).

Suu tam € bién soan Th.s Nguyén Chin Em 416 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

— Néuz|<1l=ad®+VP<1l=H<0&k>1(voly).
13
:>]z|:1€[—' )

272
Chon dap an @ O
Cau 1636. Goi z1, 2 1a hai nghiém phiic ctia phuong trinh 522 — 8z +5 = 0. Tinh S = |21| + | 22| +
Z1%9.
13 3

A S=3. B. S =15. C.SZE. D.S:—g.

Laoi giai.
. . 2 P SN 4 3. 4 3.

Ta c6 phuong trinh 52 — 82 + 5 = 0 c6 hai nghiém 1a z; = g+gz va 29 = g—gz = 5 =
|Zl| + |2’2| + 2129 = 3.
Chon dap an (A) O

Cau 1637. Trén tap so6 phtic, hai s6 phiic 2; = a — 3i v 2 = a + 3i, a € R 13 hai nghiém cta
phuong trinh nao dudi day?

A 224+2az+a>—-9=0. B. 22+ 2az+a*>+9=0.
C.22—-2az+a>—-9=0. D. 22 —2az+a>+9=0.
Loi giai.

21+ 29 = (a—3i) + (a+ 3i) = 2a; 2129 = (a — 3i)(a + 3i) = a®> + 9.

Suy ra z1, z; 1a nghiém ctia phuong trinh 22 — 2az + a® + 9 = 0.

Chon déap an @ OJ
Cau 1638. Goi 2, 2 la hai nghiém phtc ctia phuong trinh 22 4 3z + 5 = 0. Tim phan thitc, phan

4o clia 86 phiic w = 212y + (21 + 20)1.

A. Phan thuyc bang 5, phan 4o bang 3. B. Phan thyc bang 3, phan 4o biang 5.
C. Phan thyc biang —5, phan 4o bang 3. D. Phan thyc bang 5, phan 4o bang —3.
Loi giai.

Vi 21, 2o 1a hai nghiém phiic ctia phuong trinh 22 + 32 +5 = 0 nén ta c6
Z1 + Z9 — -3
Z1R9 = D.

Ta co

w = z120+ (21 + 22)i

=5 — 3.

Do d6 s6 phtic w ¢6 phan thiic biang 5, phan 4o bang —3.
Chon dap an @ OJ

Cau 1639. Cho phuong trinh 2?2 + mz +n = 0 véi m, n € R ¢6 mot nghiem 1a z = 1 + 4. Tim
mo-dun ciia s6 phitc w = m + ni.
A. 2V/2. B. 4. C. 8. D. 16.
Loi giai.
Dit z; = 1 + 4, phuong trinh 22 + mz 4+ n = 0 c6 thém mot nghiém 1 2o = 1 — 4.

Ta co

2129 = 2 =n.

{21+22:2:—m
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Suy ra
m = —2
=w=m-+ni=—2+4 2.
n =2
Vay |w| = | — 2+ 2i| = 2v/2.
Chondépén@ O

Cau 1640. Trong tap s phiic C, biét z;, 2, 1a nghiém ctia phuong trinh 22 — 2z +5 = 0. Tinh gia

tri clia biéu thic (z; + 22)2.

A. 0. B. 1. C. 2 D. 4.
Loi giai.
Ap dung dinh 1y Vi-6t ta c6 21 + 20 = 2 = (21 + 20)? = 4.
Chon dap an @ 0

Cau 1641. Goi S 1a tap nghiém ctia phuong trinh 22 + z +1 = 0 trén tap so phtic. S6 tap con cta
S la

A 2. B. 1. C. 0. D. 4.
Loi giai.
1 3
Z=—=—+ \/7—2
P24+24+41=0¢& :
1 V3,
Z2=—=——1
VB 1
1 3 1 3
D d/ tA h'A S: —_—— g __ 4 .
o do tap nghiém { 2+2Z, 5 22}
Vay s6 tap con ciia S 1a 2% = 4.
Chon dap an @ OJ
Cau 1642. Giai phuong trinh 22 + 22 4+ 2 = 0 trén tap hgp s6 phiic, ta c6 tap nghiém S 1a
A S={1—-i1+1}. B. S={1—-4—-1+1}.
C.S={-1—-i;—1+1}. D. S={-1—-141+1}.
Loi giai.

2242242=0c6 A=22—-4-1-2=—4 <0 nén phuong tinh c6 hai nghiém phtc
2 =—1+ivd —1—4i.

Vay S ={—-1—id;—1+i}.
Chon dép an (C) O
Cau 1643. Goi 21, 2, 13 hai nghiém phtic clia phuong trinh 22 — 4z + 10 = 0. Khi d6 gia tri clia

P221+22_Zl'221a

A. P=14. B. P=-14. C. P=—-6. D. P=6.
Loi giai.
21+ 29 = 4
Theo Vi-et ta c6 = P=2z14+29— 2129 =—6.
Z1 " R = 10
Chon déap an @ OJ
Cau 1644. Goi z;, 2 la hai nghiém ctia phuong trinh 22 — 4z +5 = 0. Tinh gia tri cia P =
21 ]” + |22,
A P=5. B. P=6. C. P=09. D. P =10.
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Loi giai.
Zz2=2—1=2
Taco) 22 —4z4+5=0«&

z=2+1= 2.
Do d6 P = |z1]> + |z> = |2 —i|* + |2+ i|° = 10.
Chon dap an @ O
Cau 1645. Tap nghiém cta phuong trinh 22 +9 = 0 trén tap hop s6 phiic 1a tap hop ndo sau
day?
A o. B. {-3;3}. C. {0;3}. D. {-3i,3i}.
Lo giai.
T =3
Tacoz?+9=0«
r = —31.
Vay tap nghiém phuong trinh 1a S = {—3i; 3i}.
Chon dap an @ O
Cau 1646. Goi 21, 29 1a cac nghiém phiic ctia phuong trinh 522 —72411 = 0. Tinh T' = |2, — 25|
V1 171 11
A. u B. i C. Z D. —.
5 25 5 5
Loi giai.
7T+1Vv171
7= —"
Tac6 522 —Tz+11 =0 10
7T—1iv171
2= —",
10
171 V171
= |21 — ZQ| = = .
5 5
171
Vay T = 5
Chon dap an @ O
Cau 1647. Goi z; va 2, lan lugt 1a nghiém ctia phuong trinh: 22 —22+5 = 0. Tinh P = |2;]+]2s].
A. 24/5. B. 10. C. 3. D. 6.
Lai giai.
Taco: 22 —2z+5=0<
29 =1 — 21.
Khi d6 P = |z1| + | 22| = V5 + V5 = 2V/5.
Chon dap an @ 0
Cau 1648. Goi z; va 2, lan lugt 1a nghiém ctia phuongtrinh: 22 —22+5 = 0. Tinh P = |z1\2+\22]2.
A. P =25 B. P =20. C. P=10. D. P = /5.
Loi giai.
z=1—2
Taco 22 -2z +5=0« . Khi do, P = || + |22/* = 2V/5.
z=1+2
Chon dap an @ O

Cau 1649. Cho z = 2 + 3i 1a mot s6 phite. Hay tim mot phuong trinh bac hai v6i hé s6 thuc nhan
z va Z lam nghiém.

A 22 +42+13=0. B. 22 —42+12=0. C. 22+42+12=0. D. 2> — 42+ 13 = 0.
Loi giai.
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Phuong trinh bac hai nhan z =2+ 3¢ va z = 2 — 3¢ lam nghiém c6 dang
(2 —=2-3i)(z —2+3i) =0 2> —42+ 13 = 0.

Chon dap an @ O

Cau 1650. Tim tat cd cdc nghiém phtic c6 phan 4o am ctia phuong trinh (22+9)(22—2+1) = 0.
V3

A 2= -3i. B. z2=-3i;z= 72
1 3 1 3
C.z:—3i;z:——£i. D.Z=—2i;Z:——£i.
2 2 2 2
Loi giai.
z =13
(Z+9)(*—2+1) =0« 1+ /3
z = 5
. 1 3
Cac nghiém phtc c6 phan do am la z = —3i; 2z = 3~ gz

Chon dap an @ O

Cau 1651. Goi 21, 2 lan lugt 1a hai nghiém ctia phuong trinh 222 — 2z +5 = 0. Tinh A = |2| +

|Z2‘.

VAl

A. TO B. 2V/5. C. 1. D. V10.
Loi giai.
14 3i 1—3i

A’ =1—-10 = —9. Phuong trinh ¢6 hai nghiém phic z; = + Z, n=—7 !

1 ‘ 1—3¢
e + 37 31 _J1o.

2 2

Chon dap an @ O

Cau 1652. Phuong trinh bac hai ndo duéi day nhan hai s6 phtic 2 — 3i va 2 + 3¢ lam nghiém ?
A 224+42+13=0. B.22+42+3=0. C.22-42+13=0. D.22—42+3=0.
Loi giai.
bat z; =2 — 3i; 2o = 2 + 3i. Khi do
S=z14+2=4P=2z-2=02-3)(2+3)=4+9=13.
Do d6 z; va z 1a nghiém ctia phuong trinh: 22 — Sz + P = 0 hay 2° — 42 + 13 = 0.
Vay 22 — 4z + 13 = 0 14 phuong trinh can tim.
Chon dap an @ 0

Cau 1653. Goi 2, va 25 1a cac nghiém phiic ctia phuong trinh 22 — 2z 45 = 0. Gia tri clia biéu thiic

z{ + 25 bing

A. 14. B. 7. C. —14. D. 7.
Lo gii.
22—2245=0 (1)
Ay = —4 =4,
z21=14+2
Vay 2 nghiém phiic ctia (1) 1a
2 =1 —2i.
2h etz = (14 20+ (1 —2i)* = —14.
Chon dap an @ O
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1 1
Cau 1654. Ki hiéu 2;, 2, 14 hai nghiém phiic ctia phuong trinh 22 —2+3 = 0. Tinh P = — 4+ —.
1 z9
1 1 1
A P=—. B. P=-. C. P=23. D P=—-.
6 3 3
Loi giai.
1 V11,
Z1 = 5 -+ TZ
Tac6z2—2+3=0&
1 V11,
29 — — — 2.
1 1 1 2 2
Vay P= — + — = —.
21 2y 3
b 1 1 1
Cach khac: Ta c6 21 + 20 = —— =1, 21-222223. Khid6 P=—+ — = at e = —.
a a 21z 2102 3
Chon dap én O

Cau 1655. Goi z1, 2, 1a hai nghiém phitc ctia phuong trinh 22 — z + 1 = 0. Tinh gia tri P =
1 1

| 1] |22
A. P=0. B. P=4. C. P=2. D P=1.
Loi giai.
V3

1
Giéi phuong trinh 2% — z + 1 = 0 dugc hai nghiem 1a 2,5 = 3 + > .
Do d6 |z1| = |22] = 1. Vay P = 2.

Chon dap an @ O
Cau 1656. Phuong trinh 22 + 3z + 9 = 0 ¢6 hai nghiém phtic z;, zo. Tinh S = 2,25 + 21 + 2».
A. —06. B. 6. C. 12. D. —12.
Loi giai.
Z1 —+ 9 = _—b = —3
a

Theo Vi-ét ta co
Z1Rg =— — = 9.
a

Dodétaco S=9—3=6.
Chon dép an (B) O
Cau 1657. Cho a,b 1a cac s6 thuc théa phuong trinh 22 4+ az + b = 0 c¢6 nghiem 3 — 24, tinh
S=a+b.

A. 5 =19. B.§5=-T7. C. S=T. D. S =-19.
Loi giai.
Thay z = 3 — 2i vao phuong trinh 22 4+ az + b = 0 ta dugce phuong trinh

(3—24a(3=2))+b=0

9-44+3a+b=0
=
—12—-2a=0

Khido S=a+b=-6+13="7.
Chon dap an @ O
Cau 1658. Biét phuong trinh 22+2017-20182+2218 = () ¢6 hai nghieém 21, z. Tinh S = |z;|+ 29|

A 92018 B. 92019 C. 91009 D. 21010
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Lo gidi.

Phuong trinh 2% + 2017 - 20182 + 228 =0 (1)

(1) c6 A = (2017 - 2018)% — 4 - 22018 < () nén phuong trinh (1) ¢6 hai nghiém phric 21, 2s.
Khi d6 21 = 3 = |21] = |22] = /21 - 22 = V22018 = 21009 = G — 21010,

Chon dap an @ O

Cau 1659. Tim tong cac gia tri s6 thuc a sao cho phuong trinh 22 4 3z 4+ a? — 2a = 0 c¢6 nghiéem
phiic zg thoa |zg| = 2.

A. 0. B. 2. C. 6. D. 4.
Loi giai.
C6 3 truong hgp sau:
Trudng hgp 1. zg = 2 la nghiém phuong trinh 2% + 32+ a? —2a = 0 nén a* —2a+ 10 = 0 vo nghiém.
Trudng hgp 2. zp = —2 la nghiém phuong trinh 224+32+a?—2a = O nén a®>—2a—2 = 0 = a;+ay = 2.
Trudng hdp 3. 2p ¢ R 1a nghiém phuong trinh 2%+ 32z +a*—2a =0 nén a®> —2a = 4 = a3+ a4 = 2.
Vay tong tat ca cac gia tri clia s6 thuc a dé phuong trinh 22 + 3z 4 a® — 2a = 0 ¢6 nghiém phiic 2,
thoa |zo| = 2 1a 4.

Chon dap an @ O
Cau 1660. Tim s phtic 2z ¢6 phan 4o duong théa z? — 2z + 10 = 0.

A z2=1+ 3. B. z=-1+ 3. C. 2 =2+ 0. D. z=-2+ 6.
Lai giai.

Ta c6 A’ = —9. Phuong trinh da cho c6 cac nghiém phiic 14 z = 14 3i. Do d6, nghiém phiic ¢6 phan
ao duong la z = 1 + 3i.
Chon dap an @ O

Cau 1661. Biét rang phuong trinh 22 + bz + ¢ = 0 (b,c € R) ¢6 mot nghiém phic 1a z; = 1 + 2.
Khi do
A b+c=2. B.b+c=3. C.b+c=0. D.o+c=T.
Loi giai.
Phuong trinh bac hai hé s6 thiyc c6 nghiém phiic thi hai nghiém d6 1a lien hgp ctia nhau.
Phuong trinh da cho c6 nghiém con lai la zo = 1 — 2i.
Khi dé, theo Vi-et ta c6 21 + 20 = —b= b= —2.
Vazi-2zg=c=c=5 Suyrab+c=3.

Chon dap an (B) O
Cau 1662. Goi z1, 2 1a hai nghiém ctia phuong trinh 22 + 32 +3 = 0 trén tap C. Tinh T =
21| + |22].

A. 2V/3. B. 21/5. C. 6. D. 3v2.
Loi giai.

A=3-4.3=-3=(+/3i) .
3—/3i

2
34+ V/3i
Z9 = .

2

Z1 =
Phuong trinh 22 + 3z + 3 = 0 ¢6 nghiém
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2 2
3—V3i| |3+ V3 (3)2 V3 (3)2 V3
21| + |22 |+ ¢ 5) 5 ) T G) (5 V3
Chon dap an @ [l
Cau 1663. Trén tap so phic, tich 4 nghiém ctia phuong trinh x (22 — 1) (x + 2) = 24 bing
A, —24. B. —12. C. 12. D. 24.
Loi giai.

Goi @1, T3, T3, 74 12 4 nghiém clia phuong trinh x (z* — 1) (z + 2) = 24.
Nhu vay ta c6 (x — z1)(x — 22)(z — 23)(x — 24) = 2(2® — 1)(2 + 2) — 24 = 2* + 223 — 2% — 22 — 24.
Dong nhat hé s6 tu do ctia hai vé suy ra o - 29 - 23 - T4 = —24.
Chon dap an @ O
Cau 1664. Goi 21, 23 1a cdc nghiem clia phuong trinh 22+42+5 = 0. Dat w = (1421)1%0 4 (1+2,)1%.
Khi do

A w =2, B. w=-2% C. w=2" D. w = —2%.
Li giai.
z21=—2+41

Co22+424+5=0&
22:—2—2

w o= (14+2)" "+ (1 +2)" = (=140 = (1+)'?
= (=" + (1 +9)3)™
_ (_22)50 + (22)50 — _250 _ 250 — _251.
Chon dap an O

Cau 1665. Goi z;, 2, la hai nghiém ctia phuong trinh 22 — 42 +5 = 0. Khi d6, phan thuc cla

w = 27 + 22 bang

A. 6. B. 8. C. 16. D. 0.
L&i giai.
21+ 29 = 4
Theo dinh ly Vi-ét ta c6
Z1R%9 = 5.

Tacow=2z2}+25=(21+22)% — 22120 =42 — 2.5 =6.
Chondépén@ OJ

Cau 1666. Biét phuong trinh 22 +mz+n = 0 (v6i m,n 1a tham s6 thyc) c6 mot nghiem 1a z = 1+1.
Mb-dun ciia s6 phiic w = m + ni bang
A. 6. B. 8. C. 3v2. D. 2V/2.
Loi gidi.
Phuong trinh 22 + mz +n = 0 ¢6 nghiém z = 1 + i thi cling c6 nghiem z = 1 — 1.
—m= (14144 (1—19) m=—2
54
n=(141)(1—1)

Do dé w = —2 + 2i. Suy ra |w| = 1/(—2)% + 22 = 2V/2.

Ap dung dinh Iy Vi-ét ta c6 {
n = 2.

Chon dap an @ O
Cau 1667. Goi z;, 2 1a hai nghiém phiic clia phuong trinh 22 — z +2 = 0. Tinh |2 |* + | 25|
4
A. 4. B. -. C. § D. 8.
3 3

L&i giai.
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Tacoz? —2+2=0& 2= 1j:2\/% = |z + |2* = 4.
Chon dap an @ O
Cau 1668. Goi z1, 29 1a hai nghiéem phtic clia phuong trinh 2% + 3z + 5 = 0. Tinh |21 + 23]
A. 3. B. ; C. 5. D. V3.
Ldi giai.

Ap dung dinh 1y Vi-ét ta c6 2z, + 25 = —3 = |21 + 29| = 3.

Chon dap én (A) O

Cau 1669. Cho phuong trinh 2 —223+622—82+9 = 0 ¢6 bén nghiém phitc phan biét 1 21, 29, 23, 24.
Tinh gia tri ctia bidu thitc T = (22 +4) (23 +4) (22 +4) (27 +4).
A T=1. B.T=0. C.T=2. D. T =-2i.
Loi giai.
Dat f(z) = 2% — 223 + 622 — 82 + 9. Do phuong trinh f(z) = 0 ¢6 boén nghiém phitc phan biét

21, 22, 23, 24, Suy ra f(2) = (2 — 21)(2 — 22)(2 — 23)(2 — 24).

Ta co
T = (25+4)(25+4) (25 +4) (45 +4)
= (21 —20) (21 +20) - (20 — 20) (20 + 20) - (23 — 20) (23 + 21) - (24 — 27) (24 + 27)
— f2i) f(-20) =1
Chon dap an @ O

Cau 1670. Goi z; va 2 la hai nghiéem phtic ctia phuong trinh 22 + 4z 4+ 29 = 0. Tinh gia tri biéu
thic |z1]* + |za]*.

A. 1682. B. 58. C. 841. D. 1282.
Loi giai.
Taco A=4%2—-4-1-29=—112.
Suy ra 2 nghiém ctia phuong trinh 1a 2, = —24-5i va 2y = —2—5i nén |z,| = |2 = V22 + 52 = v/29.
Khi do |z]* + |z2]* = 1682.

Chon dap an @ OJ
~ .z . ° - R 1 1 2 . 21
Cau 1671. Cho hai so phiic z1; 2o thoa man zq, 29 # 0; 21 + 29 # 0 va = —+ —. Tinh |—]|.

21+ 22 1 2 Z2
V2 2 V3
A —. B. —. C. —. D. 2v/3.

2 /3 2 V3

Loi giai.

1 2 2 1

Ta c6 T A T W > ) (%)

21tz 21 2 AT i T B L !

Dit t = %, khi d6
ff2
(%)

1 1
& = 2224+ 2t+1=0t; o= ——+ —i.
1t et 2= Ty E gt

~&~ | =

Suy ra |t| =

|
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Chon dap an @ O

Cau 1672. Cho hai s6 phtic 21, 25 1a cdc nghiém ctia phuong trinh 2% — 62+ 13 = 0. Khi d6 |z;]+ | 22|
bang
A. 3V2. B. 2V/3. C. V13. D. 2V/13.

L&i giai.

21:3+22
Tacoz2—62+13=0< .
29 =3 —21
|21‘+|22‘ :2\/ﬁ
Chondépén@ O

Cau 1673. Tren tap hgp s6 phiic, khang dinh nao sau day sai?
A. Phuong trinh 22 + 1 = 0 vo nghiém.
B. Phuong trinh 2% + 8 = 0 ¢6 3 nghiém phan biét.
C. Phuong trinh 22 — 42 4+ 5 = 0 ¢6 hai nghiém phan biét.
D. 2> = —4 & 2z = 2i hoac z = —2i.
Loi giai.
Xét phuong trinh: 22 +1=0&22= -1 22 =2 < 2 = +i.
Vay khéng dinh “Phuong trinh 22 + 1 = 0 vo nghiém” la khéng dinh sai.
Chon dap an @ O

Cau 1674. Goi z 1a nghiém phiic c6 phan 40 am ctia phuong trinh 222 — 2z + 13 = 0. Trén mit

phéng toa do, diém nao dudi day la diém biéu dién ciia s6 phitc w = izy?

51 5 1 5 1 51
au(GD) Ba(C) er(3-l) po(ll)
44 4" 4 2" 2 2’2
Laoi giai.
o 1.5 . 1 5.
Phuong trinh 22° =22+ 13 =02 = 5 T35 (loai) hay z = 37 5! (nhan).
~ » o — 1 5 o 5 1 . -~ - 2 - 2 o 2 N 5. 1
Nén ta c6 w =129 =1 <2 — 22) =3 + 22. Vay diém biéu dién cia w la Q) (2, 2).
Chon dap én@ O

Cau 1675. Goi 2; v& 2, lan lugt 1a hai nghiem ctia phuong trinh 22 — 42 + 5 = 0. Gia tri cia biéu
thitc P = (21 — 225) 23 — 42, bang
A. —10. B. 10. C. —b5. D. —15.
Loi giai.
Taco P =z -2y — 229 Zg — 421 = (21)? — 2|20]? — 421 = (21)* — 2|21 — 42,.
Giai phuong trinh da cho, thu duge hai nghieém la 2 £ 1.
e Néuz =2—ithh P=(2—-1)?—-2(22+1%) —4(2—i)=4—4i+i* - 10 — 8 + 4i = —15.
e Néuz =2+ithi P=(2+1)?—2(22+1?) —4(2+1i) =4+ 4i+i? — 10 — 8 — 4i = —15.
Vay P = —15.
Chon dap an @ O
Cau 1676. Goi A, B lan lugt 1a diém bicéu dién hai nghiém phiic ctia phuong trinh 22 +22 +5 =0
trén mat phéng phtc. Tinh do dai doan thing AB.
A. 6. B. 2. C. 4. D. 12.
Loi giai.
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z=—14+2
Taco 22 +22+5=0& (z+1) =4 & :
z2=—1-2
bat A(—1;2), B(—1;—2), suy ra AD = (0;—4) = AB = 4.
Chon dap z’m@ OJ

Cau 1677. Goi 21, 2, 1a hai nghiém ctia phuong trinh 22 — 7z 4 51420 = 0. Tinh gia tri biéu thiic
P= 221 — 2129 + 22’2.

A P=-37. B. P =158. C. P=—-065. D. P=—-44.
Loi giai.
Tacod 22 — 72+ 51728 =0 < 22 — 72+ 51 =0.
. . 21+ 29 = 7
Theo dinh ly Vi-ét ta co
Z1 "Ry = 51.

T d6 suy ra P = 221 — 2129 + 229 = 2(21 + 22) — 2122 = 14 — 51 = —37.

Chon déap an @ OJ

Cau 1678. Goi 21, 2o 1a hai nghiém phtic ctia phuong trinh 22 + 2z 4+ 5 = 0, trong d6 z; ¢6 phan 4o
duong. Tim s6 phiic lien hop ctia s6 phiic 2, + 22,.

A. -3+ 2. B. 3 —2i. C. 2+1. D.2—u.
Loi giai.
71 =—14+21
Xét phuong trinh 22422 +5=0& (z+1)° = -4 <
29=—1—21
Khi d6 w = 2, + 229 = —3 — 2i = s6 phtc lién hop 1a w = —3 + 2i.
Chon dap an @ 0
Cau 1679. Tim cac sb thuc b, ¢ dé phuong trinh 22 4+bz+c = 0 nhan z = 1+ lam mot nghiem.
A b=2c= -2 B. b=2c=2 C.b=-2,c=2. D.b=-2,c=-2.
Loi giai.

Ta c6 phuong trinh 22 4+ bz + ¢ = 0 nhan z = 1 + ¢ lam mot nghieém.

24+0b6=0 b= -2
:(1+®2+bﬂ+4)+c:0¢¢{ ¢>{

b+c=0 c=2.
Chon déap an @ O
Cau 1680. Goi 2y la nghiém phiic c6 phan 4o duong ctia phuong trinh 22 + 2z + 10 = 0. Tinh
120.
A izg=3—1. B. izg=-3i+ 1. C.izg=-3—1. D. izg=3i— 1.

Loi giai.

z=—-14+3
Taco 22 +22+10=0<

z=—1—3i.
Suy ra zg = —1 4 3i. Do d6 iz = i(—1+3i) = =3 —i.
Chon dap an @ 0

Cau 1681. Ki hiéu 2, 22, 23, 24 la bén nghiém cta phuong trinh z* + 22 — 6 = 0. Tinh S =
21| + 22| + | 23] + |24].
A. S =23 B.S=2(vV2-+3). C. S=2V2 D.S=2(V2+V3).

L&i giai.
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22 =-3 2= +iV3
Tacozt+22—6=0< EN )
22=2 z::I:\/§

Do d6 § = |z1] + |zl + 2] + Jaa] = |=iv/3] + |V + |[-v2| + [v2] = 2 (V2 + v3).

Chon dap an @

O

Cau 1682. Cho A, B la hai diém biéu dién hinh hoc sé phtic theo thi tu 2, 2, khac 0 va thoa
mén dang thiic 22 + 27 = zpz;. Héi ba diém O, A, B tao thanh tam gidc gi (O 1a gbc toa do)? Chon
phuong an ding va day da nhat.

A. Déu. B. Can tai O. C. Vuong tai O. D. Vuong can tai O.
Loi giai.

Ta cb

2
2 VA
Bt =20 & <—0> -2 41=0

2

21 21
(20 1—1V3
N 21 N 2
20 14+iv3
Al n 2
1—iV3
zZ20 — 9 21
54
1+iv/3
20 = Z1-
L 2
1 —1v3
— Xét truong hop zp = Z\/_zl.
1—iV3 1—iV3
OA:|ZO|: 21l = |Zl|:|21|:OB
2 2
—  —— 1—1v3 14+1v3
Nhu vay: OA = OB = AB = AOAB la tam giac déu.
1+12v3
— Xét truong hgp zp = + Z\/_zl.
1+iV/3 1+iv3
OA:|ZO|: 5 21| = 9 |21|:|21|ZOB
— 1+12v3 1—1/3
AB = ‘OB — OA‘ = ’Zl — 20| = |21 — +Z\/_Zl = Z\/_Zl = |21| = OB.

2
Nhu vay: OA = OB = AB = AOAB la tam giac deéu.
Toém lai, ba diém O, A, B tao thanh tam gidc déu (O 1a gbc toa do).

Chon dap an (A) O
Cau 1683. Phuong trinh bac hai nao sau day c6 nghiém la 1 4 2¢?
A 22 —-2:+3=0. B. 22 +22+5=0. C. 22-224+5=0. D. 22 +22+3=0.
Loi giai.
) z=1+22
z°—=224+5=0&
z=1-—21.
O

Chon dap an @
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Cau 1684. Goi 21, 2o 1a hai nghiém phtic ctia phuong trinh 22 + 2z + 5 = 0, trong dé z; ¢6 phan 4o
duong. S6 phiic lien hop ctia sd phiic z; + 22 13

A. -3+ 2i. B. 3 —2i. C. 2+ D.2—u.
Loi giai.

= 21 + 229 = —3 + 21.

L z=—-1—-2i 7n=—14+2
Tacdz2+2z2+5=0« =

2=—1+2i 2y =—1—2i

Chon déap an @ OJ
Cau 1685. Goi 21 va 25 1 cac nghiem phtic ctia phuong trinh 22 — z +1 = 0. Gi4 tri ctia biéu thitc
|21| + |22| bang

A. 23 B. 2. C. 3V2. D. 1.
Loi giai.
1 V3
z==——1
Tacs2?—2+1=0s| 2 2
z ! + ﬁi
202
Khi do6, |z1] + |z2| = 2.
Chon dap an OJ
Cau 1686. Biét phuong trinh 22+az+b = 0 (a,b € R) ¢6 mot nghiem z = —2+4. Tinh T' = a+b.
A.T=09. B.T=1. C.T=4. D. T=-1.
Loi giai.
Theo dé bai phuong trinh da cho c6 2 nghiém 1a z; = —2 — i va 2o = —2 + 1.
zl—l—z2:—4:_—a:—a
Ta o6 1
a co b
21'22:521213.
VayT=a+b=4+5=09.
Chon dap an @ O

Cau 1687. Cho m 1a s6 thuc, biét phuong trinh 22 +mz + 5 = 0 ¢6 hai nghiém phtic trong dé c6
mot nghiém c6 phan 4o bang 1. Tinh tong moédun ctia hai nghiém.
A. 3. B. V5. C. 2V/5. D. 4.
Loi giai.
Gia st phuong trinh ¢6 nghiém z; = a+1i,a € R, khi d6 25 = a — i cling la nghiém ctia phuong trinh.
Ap dung dinh 1y Vi-ét ta c6: 5 = 2129 = (a +i)(a — i) = a® + 1, nén ta c6: a® = 4.
Khi dé: |z1] + |22] = 2va? + 1 = 2V/5.
Chon déap an @ OJ

Cau 1688. Goi 21, 2o & hai nghiém phitic cia phuong trinh 224 6z + 13 = 0. Trong d6 z; 1a s6 phiic
c6 phan 4o am. Tim s6 phtc w = 2, + 22».
A w=9+ 2. B. w= -9+ 2i. C.w=-9-—2i. D. w=9-—2i.
Loi giai.
Phuong trinh 22 4+ 6z + 13 = 0 ¢6 nghiém 1& 21 = —3 — 24, 20 = —3 + 2i
Suy ra w = z; + 229 = —9 + 2.
Chon dap an O

Cau 1689. Goi z; 1a nghiém phiic c6 phan 4o am ciia phuong trinh 22+ 22+ 3 = 0. Trén mit phang

toa do, diém nao sau day la diém biéu dién sb6 phic z;?
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A. P(—1;—/2i). B. Q(—1;/2i). C. N(—1;V/2). D. M(—1;—/2).
Laoi giai.
2= —1+V2i R
Tacoz?+2z+3=0< . Vi z; ¢6 phan 40 am nén 2z = —1 — /2i.
z=—1—-+2i
Vay diém biéu dién s6 phitc z; la diém M(—1; —/2).
Chon dap an @ ([l

Cau 1690. Phuong trinh nao sau day nhan hai s6 phiic z; = 14+v/2i va 29 = 1—v/2i lam nghiém?

A 22 —-2:+3=0. B. 22—-2:-3=0. C. 224+22+3=0. D. 22 +22—-3=0.
Loi giai.
Dé thay z; + 20 = 2, 2123 = 3 nén theo dinh i Vi-et ddo, z; va 2, 14 hai nghiém ctia phuong trinh
22 —224+3=0.

Chon dap an @ O
Cau 1691. Goi 21, 29 14 cdc nghiem phiic clia phuong trinh 22 —2z+5 = 0. Tinh F = |z1|+ |22|.
A. F =25 B. F = 6. C. F = 10. D. F =3.
Lo giai.
219 =14 2inén |z| = |z| = V5. Suy ra F = 2v/5.
Chon dap an @ O

Cau 1692. Trong mit phang phic, goi M, N 1a diém biéu dién ciia cac s6 phitc 1a nghiem ctia
phuong trinh 22 — 4z + 9 = 0. Tinh do dai doan thang MN.
A. MN =4. B. MN =5. C. MN = 20. D. MN = 2/5.
Loi giai.
MN? =|z1— 2 =(1—2)(Z—%)=(z1—2)(n—2) = —(21 — 22)* = —(21 + 22)* + 42120 = 20.

Suy ra MN = 2/5.
Chon déap an @ OJ

Cau 1693. Gia stt phuong trinh 22 + az +b = 0 (v6i a,b € R) nhan z; = 1 — 4 lam nghiém. Tim
nghiém 25 con lai.
A zp=—-1—1. B. z»=1-—1. C. zp=—-1+1. D. z=1+1.
Loi giai.
Do a,b € R va phuong trinh c6 mot nghiém phiic 13 z;, nén nghiém phiic con lai 1a s6 phtic lién hgp

cla 21 Vay, 29 =21 = 141.

Chon dép an (D) O
Cau 1694. Giai phuong trinh 22 — 4z + 5 = 0 trén tap s6 phitc ta dudc cac nghiem

A —2+1i —2-—1. B. 241, 2—1. C. 441, 4—1i D. —4+i, -4 —1i.
Loi giai.
Ta c6 biét thic § = 42 —4 -5 = —4, ¢6 hai can bac hai 1a £2i.
Phuong trinh c6 hai nghiém la 2z = At =24+ivaz= 4_22i =21
Chon dap an O
Cau 1695. Goi 21, 23 1a cac nghiém ctia phuong trinh 2% — 8z + 25 = 0. Gia tri |2; — 25| béng

A. 8. B. 5. C. 6. D. 3.

L&i giai.
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L 2 =443 ) . o ] s =4+ 30
Tacé: 22 —82+20=0« . Do d6 phuong trinh c¢6 hai nghiém la .
z=4—3% Z2o=4—31

= |21 — 2| = |(4 4 3i) — (4 — 3i)| = |6i] = 6.
Chon dap an @ 0

Cau 1696. Goi 2y la nghiém phtic ¢6 phan 4o am clia phuong trinh 2? — 62 + 13 = 0. Tinh
|Zo +1-— l|

A. v13. B. 13. C. 5. D. 25.
Loi giai.
Ta ¢6: zp =3 — 2. Khi d6 |2g+1— | =3 —2i+1—i| = [4—3i| = VI6 + 9 = 5.
Chon dap an @ OJ
Cau 1697. Néu z = 7 1a mot nghiém phiic ctia phuong trinh 2% +az +b =0 v6i (a,b € R) thi a + b
bang

A —1. B. 2. C. -2 D. 1.
Loi giai.
2 = i 1a mot nghiém phic ctia phuong trinh 22 + az 4+ b = 0 nén ta co:
ﬂ+wuw:0@m+b:u:{_ =a+b=1

b=1

Chon dap an @ O

Cau 1698. Goi 2; v 2 1 hai nghiém phiic ctia phuong trinh 222 + 6z + 5 = 0 trong d6 z; c6 phan

40 am. Phan thuc vao phan 4o ctia s6 phtic z; + 32 lan luct 1a

A. —6;1. B. —1;—6. C. —6;—1. D. 6;1.
Loi giai.
3 1.

5 =—=+i
Taco2224+62+5=0< g) ?

Z9 = —5\— 52 \ / \
Suy ra z; + 320 = —6 — ¢ , do d6 phan thyc va phan ao ctia s6 phic z; 4+ 325 lan lugt 1a —6; —1.
Chon dap an @ O

Cau 1699. Nghiém phiic c6 phan 4o duong ctia phuong trinh 22 — 2+ 1 =014 2 = a + bi, a,b € R.
Tinh a + /3b.

A. 2. B. 1. C. 2. D. —1.
Loi giai.

Ta ¢6 phuong trinh tuong duong (z - =

! V3
2

Do phan 4o ciia z duong nén a = 3 va b=

Chon dép an (C) O
Cau 1700. Cho s6 phiic z = a + bi. Phuong trinh nao dudi day nhan z va z lam nghiém?

A. 2?2 —2az +a’b? =0. B. 22 —2az+a®>+b*=0.

C. 22 —2az—a>—b=0. D. 2?2 +2az+a®> +b* = 0.
Loi giai.
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Ta cé 2z =a+ bi va Z = a — bi la nghiém cta phuong trinh
(z—a—bi)(z—a+bi)=0& (z—a)* +b* =0« 2> —2az +a*+ b =0.
Vay z va Z la nghiém ctia phuong trinh 22 — 2az + a® + b* = 0.
Chon dap an O
Cau 1701. Cho hai s6 thuc b, ¢ véi ¢ > 0. Ki hieu A, B 1a hai diém ctia mat phang phtic biéu dién

hai nghiém ctia phuong trinh 22 + 2bz + ¢ = 0. Tim diéu kién ctia b va ¢ sao cho tam gidc OAB 1a

tam gidc vuong (véi O 1a goc toa do).

A b=c B. ¥ =c. C. 20’ =c. D. b = 2c.
Loi giai.
Theo bai ra ta gia st A, B la diem bieu dién lan lugt cia Y
21 =T +yi, 20 = x — yi, suy ra A va B d6i xitng nhau qua A

truc hoanh.
Ap dung dinh 1y Vi-ét ta c6

Zl+22:21':—vaézlz2:x2+y2:c_ T

Dé tam giac OAB vuong khi va chi khi OM = MA = MB &
2] = [yl & 2? = y* =%

N e 2_
T do6 suy ra 2b° = c. B

Chon dap an (C) O

Cau 1702. Biét z; vd 2 1a hai nghiém ctia phuong trinh 222 + V3z+3 = 0. Khi do, gia tri cua

22+ 22 1a

9 9
A Z B. —-. C. 9. D. 4.
4 4
L&i giai.

- 9
2224 /32 +3=0< 4 4  Khi d6 22 4 22 = -2,
V3 vm,( ) L= 4
=—————1 (=z
4 4 22
3 3 9
Cach khéc: Z% + Z% = (Zl —+ ZQ)Q — 2212’2 = <—§) —2- 5 = _4_1
Chon dap én 0

Cau 1703. Ki hiéu 2; la nghiém phttc ¢c6 phan 4o am ctia phuong trinh 422 — 16z + 17 = 0. Trén

2 .2 . N .2 .2 .= Z B . 3 .
mit phang toa do, diem nao dudi day la diem bieu dién s phic w = (1 4 2i)z; — 52?

A M(—2;1). B. M(3;-2). C. M(3;2). D. M(2;1).
Loi giai.
) 1. : 1. 3. :
Tacozlz2—§z:>w:(1+2z) (2—§z> —57,:3+27,=>M(3;2).
Chon dap én@ O

Cau 1704. Biét s6 phiic z théa man |z — 3 — 4i| = v/5 va biéu thic T = |z + 2> — |z — i|* dat gid
tri 16n nhat. Tinh |z|.

A. |z| = V33, B. |z| = 50. C. |z| = V10. D. |z| = 5V2.
Loi giai.
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Dit z = x + yi (z,y € R), theo gid thiét |z —3 —4i| = /5 < (z —3)2 + (y — 4)> =5 (O).
Ngodira T = |z +2]* — |z —i|° © 4z 4+ 2y + 3 — T = 0 (A) dat gia tri 16n nhét.

? 23+ T
R6 rang (C) va (A) ¢6 diem chung do do % <V5&13<T <33

Vi T dat gia tri 16n nhat nén 7' = 33 suy ra 4z + 2y — 30 = 0 & y = 15 — 2z thay vao (C) ta duge
502 =500 + 125 =0 o =5 =y = 5. Vay |z| = 5V2.

Chon dap an @ O
Cau 1705. Cho s6 phitc z thda man |z — 2 4 3i| + |2z + 2 + i| = 4/5. Tinh gia tri 16n nhét cia
P =z —4+ 4.

A. max P = 41/5. B. max P = 71/5. C. max P = 5v/5. D. max P = 6v/5.
Loi giai.

Ta c6 bat dang thitc mo-dun sb6 phiic sau:

[[21] = |22|| < |21 + 22| < |2a] + [22].

Ditw=z—-4+4i=P=|uw|.
Taco |z —2+43i| + |2+ 2+i] =4V5 & [w+2 —i| + |w + 6 — 3i| = 4V/5.
Ma{Hw+2—i\zlw!—\2—i\=!w!—\/5
lw+ 6 — 31| > |w| — 6 — 3i| = jw| — 3v/5
suy ra 4y/5 > <|w|—\/§> + (\w\ —3\/3) & |w| < 4v/5.
Vay max P = 4+/5 khi w = k(2 — i) = —4(2 — 1) hay z = —4.

Chon dap an @ O
Cau 1706. Tim nghiém phiic ¢6 phan 4o duong ctia phuong trinh 22 — z + 1 = 0.
1 V3 1 V3 1 V3 1 V3
A -+ —i. B. —— + —i. == —i. D. —— ——i.
SRR 22! C3 3 2 2!

Lai gidi.

1 3 .
Vi phuong trinh 22 — 2 + 1 = 0 ¢6 hai nghiém phiic la 3 + \/7_2 nén nghiém phtc c6 phan ao duong

cua phuong trinh la % + ?z
Chon dap an (A) O
Cau 1707. Tong cac nghiém phtc ctia phuong trinh 2% + 22 —2 =0 la
A 1. B. —1. C.1-—1. D.1+:.
Lai gidi.
21 =—14+1

Taco 2 +22-2=0(z-1)(z*+22+2)=0& |z=—-1—1i.

Z3 = 1
Vay tong cac nghiem phic 1 21 + 20+ 23 = —1+i—1—i+1=—1.
Chon dap én O

Cau 1708. Goi z; la nghiem phic ¢6 phan 4o am clia phuong trinh 22 + 2z 4+ 3 = 0. Toa do diém
M biéu dién sb phtc z; 1a

A M (-1;,—v2). B. M(—1;2). C. M (—1;-2). D. M (—1;—v/2i).
Loi giai.
Phuong trinh 22 + 2z 4+ 3 = 0 ¢6 hai nghiem 1a 2, = —1 — V2i v 29 = —1++/2i nen M (—1; —\/5)
Chon dap an @ O
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. N . 1 1 1
Cau 1709. Cho z la so0 phtic ¢c6 mo-dun bang 2017 va w la s6 phic thoéa man — + — = T
zw z+w

Mo-dun ctia s6 phiic w 1a

A. 2015. B. 0. C. 1 D. 2017.

Loi giai.
1 1 1 —z =+ 3t
Taco —+ — = :>(z—l—w)2:w2+wz+z2<:>w2+wz+zz:0<:>w:Z—Z\/_Z.
z w  z4+w 2
—z—z\/gi —z — 2V/3i 14+iv3
Véiw=————=|w| = =|—z|- = |z| = 2017.
2 2 2
ot /3 —2 + 2V/3i 1—iV3
Vi w = ——— = |w| = =|—z|: = |z| = 2017.
2 2 2

Chon dép an (D) O
Cau 1710. Goi 2, 29 12 hai nghiém phiic ctia phuong trinh 22—5247 = 0. Tinh P = |z;|*+]| 2.

A. 47 B. 56. C. 14. D. 2V/7.
Loi giai.

5 3
=gt %
Taco: 22 —52+7=0< .Suy ra P = |21]? + |2]? = 14.
5. ﬁz y |21]* + |22
22

Chon dap an @ 0

Cau 1711. Ki hiéu 2, 2 la céc nghiem phtc ciia phuong trinh 222 + 4z + 3 = 0. Tinh gia tri biéu
thic P = |2122 + Z'(Zl + ZQ)|.

7 5
A P=1. B. P=z. C. P=+/3. D. P=.
Loi giai.
) S = 21+ 29 = —2
Ap dung dinh 1y Vi-ét ta c6 3
= Z1%2 = 3
2
5
Suy ra P = ——22 \/—4— —\/ =5
Chon dap an @ O
Cau 1712. Goi 21, 2, 1a cac nghiém phtic ctia phuong trinh 2?2 — 4z + 9 = 0. S6 phiic 2175 + Z1 2
bang
A. 2. B. —-2. C. 2i. D. 10:.
Loi giai.

Ta co: A = (<22 —1-9= =5 = (V5i) .

Khi d6 phuong trinh 2% — 4z 4+ 9 = 0 ¢6 hai nghiém phitc 2, = 2 — V/54, 20 = 2 + /5.

Suy ra 217 + Z1ze = (2— V5i) (2— v/5i) + (2+v5i) (2+ VBi) = -2

Chon dap an 0

Cau 1713. Goi z;, 2 la hai nghiém ctia phuong trinh: 22 — 62 + 10 = 0 biéu thitc |z; — 2| ¢6 gia
tri la
A. 6. B. 2i. C. 2. D. 6:.

Lo giai.

. . . Z =21 = 3—1
Phuong trinh da cho c¢6 hai nghiém phan biét la

z2=129=3+1.

Do d6 |21 — z|? = |2i* =4 = |21 — 2| = 2.

Suu tam € bién soan Th.s Nguyén Chin Em 433 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Chon dap an @ 0

Cau 1714. Goi S 1a tap hgp gia tri thie ctia tham sé m sao cho phuong trinh 22—2mz+2m?—2m = 0
c6 nghiém phitc ma mo-dun ciia nghiem dé bing 2. Tong binh phuong cac phan tit ctia tap hop S

bang
A. 6. B. 5. C. 4. D. 1.
Lai giai.
Truong hgp 1: Phuong trinh ¢6 nghiém thuc z théa mén |z| = 2. Suy ra z = 2 hodic z = —2.
m =1
Thay 2 = 2 vao phuong trinh ta duge 2m? — 6m +4 =0 <
m = 2.

Tht lai ta nhan thay m = 1;m = 2 thda yéu cau bai toan. Vay m = 1;m = 2 nhan.
Thay z = —2 vao phuong trinh ta dugc 2m? + 2m + 4 = 0 (phuong trinh vo nghiém).
Truong hgp 2: Phuong trinh ¢6 nghiém phic z (z ¢ R) théa mén |z| = 2.

Suy ra z cling la nghiém cta phuong trinh trén.

m=—1
Do do

z|2:z-Z:E:2m2—2m:4<:)2m2—2m—4:0(:) [
a m = 2.

Thtt lai v6i m = —1 ta nhan thay thdéa yéu cau bai toan.

Tong hai truong hop ta suy ra S = {1; —1;2}.

Vay tong binh phuong céc phan ti ctia tap hop S 1a 12 + (—1)2 + 22 = 6.

Chon dap an @ 0

Cau 1715. Goi z; la nghiém phiic ¢6 phan 4o duong ctia phuong trinh 22 — 2z + 5 = 0. Trong mit

phang toa do, diem biéu dién clia z; ¢ toa do 1a

A (—1;2). B. (2;1). C. (-2;1). D. (1;2).
Loi gii.
z=14+2
Taco: 22 —2z+5=0«<
z=1-—2.

Do z; ¢6 phan 4o duong = z; = 1 + 2i.

Do d6 diém biéu dién clia z; ¢6 toa do 1a (1;2).

Chon dap an @ O
Cau 1716. Goi 21, 2 1a hai nghiém phric clia phuong trinh 32%—22+4-27 = 0. Gi4 tri clia 21| 22|+ 22| 21|
bang
A 2. B. 6. C. 3V6. D. V6.
Loi gii.
1 45
21 ==+ —1
Tac6 322 — 22+ 27 =0 & 303 Sy =zl =3
1 45
2= — ——i
3 3
1  4+/5 1 44/5
21 |20| + 2|7 | = (g + T\/_Z) 3+ (g - T\/_z) 3=2.
Chon dap an @ 0
Cau 1717. Ky hiéu 21; 2, 1a hai nghiém phtic ctia phuong trinh 22 —4z+6 = 0. Gia tri clia [21] + | 22|
bang
A. V6. B. 2V/6. C. 12. D. 4.
Lo giai.
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Tach: 22 —424+6=0< 2 =2+ iV/2.

Suy ra: ‘2 +Z\/§’ + ‘2 — u/ﬁ‘ = 2/6.

Chon dép an (B) O
Cau 1718. Tim x va y thoa man x + (y + 2i)i = 2 + 4 véi i 1la don vi do.

A z=4y=1 B.z=3y=2. C.rx=-lLy=2. D.z=0y=1
Loi giai.

Taco: o+ (y+2i)i =2+
rT—2=72 r=41
Sr-24+yi=24+1%& & .
{y =1 {y =1
Chon déap an @ OJ
Cau 1719. Phuong trinh 22 + az + b = 0 v6i a, b 1a cac tham s thiyc nhan s6 phic 1 + 7 13 mot
nghiém. Tinh a — b.
A. -2, B. —4. C. 4. D. 0.
Loi giai.
Do phuong trinh bac hai hé s6 thuc c6 nghieém 13 hai s6 phiic lien hop nén z; = 1 + 4 1a nghiém thi
2z = 1 — 4 cling la nghiém.
Mat khac theo Vi-ét ta c6 21 + 20 = —a =2, 2120 = b = 2.
Vaya=—-2,b=2vaa—b=—4.

Chon dép an (B) O
Cau 1720. Ky hiéu z;, 25 12 hai nghiém phiic ctia phuong trinh 2?2 = —3. Gia tri cla |2;] + |22]
bang
A. 6. B. 3. C. V3. D. 2V/3.
Loi gidi.
2 = V3i
2=-3o | = |21 + |22] = 2V3.
9 = \/g’l
Chon dap an @ O

Cau 1721. Cho a, b, =, y, z 1a cac s6 phitc théa man: a? — 4b = 16 + 12i, 22 +ax + b+ z = 0,
Y 4+ay+b+2=0, |z —y| =2v3. Goi M, m lan lugt la gia tri I6n nhét, gia tri nhé nhit cia |z|.
Tinh M + m.

A. M +m=28. B. M +m=6v3. C. M +m = 10. D. M +m = 12.
L3i giai.
??+ar+b+z=0 (1)
Ta co ) Yy
Y +ay+b+z2=0 (2) B
= x, y 1a cac nghiém phuong trinh ¢ + at + b+ z = 0.
r+y=—a
Theo Vi-ét, I
xy =b+ z.
Taco (z—y)?=(z+y)* —4doy =a* —4b— 42 =16 + 12i — 4z.
O x
Ma |z —y| = 2v3 nén |(z — y)?| = |16 + 120 —4z| =12 = |4+ 3i — z| = 3.
Suy ra tap hogp diém biéu dién s6 phiic z 14 dudng tron tam I(4;3), ban kinh r = 3.
Dé thay M = OI +r, m = OI —r, do d6 M +m = 201 = 10.
Chon dap én@ O
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Cau 1722. Tim gia tri 16n nhat ctia P = |22 —z|+ |22+ 2+ 1] v4i 2 la 6 phiic thda man |z| = 1.

A. V3. B. 3. C. T D. 5.

Loi giai.
Diat z=a+bi (a, b € R). Do |z| =1 nén a* + b* = 1.
Talaic6 |22 — 2| = |z] - [2 = 1] = \/(a — 1)2 4+ 1? = v/2 — 2a.
22+ 241 =]a*> =V +a+1+ (2ab+b)i| = \/(a®> = V> +a+1)2+ (2ab+ b)? = [2a + 1].
Vay P = /2 —2a + |[2a + 1].
— Néu a < —% thh P=-2a—-1++v2-2a=(2—-2a)+v2-2a—-3<4+2-3=3 W
0<vV2—2a<2).
1)2 13 _ 13

. 1
—Néuaz—5th‘lP:2a—|—1—|—\/2—2a:—(\/2—2a—5 TS

Chon dap an @ O

Cau 1723. Cho s6 phiic z théa man |z — 2i| < |z —4i| va |z — 3 — 3i| = 1. Gi4 tri 16n nhat ctia biéu
thic P = |z — 2| 1a
A VI3+1. B. V10 + 1. C. V13. D. V10.
Loi giai.
e Giastt z =x +yi (z,y € R). Theo gia thiét

{x2+(y—2)2§x2+(y—4)2@{yﬁ?)
(z -3+ (y—-3)?%=1 (z -3+ (y—3)*=1.

Do (z—3)+(y—3)?2=1nén (z —30’<1=2x-3<1=z<4

e P=|z—-2|=+/(x—2)*+ 42

eTaco PP=(x—22+y’=(r—-3)2%+(y—3)°+20+6y—14<1+2-44+6-3—14=13.
Déang thitc xay ra < = = 4,y = 3 nén min P = 1/13.

Chondépén@ OJ

Cau 1724. Cho cac s6 phifc z; = —3i, 20 = 4 + i vA z thda méan |z — i| = 2. Khi biéu thic

T = |z — 21| + 2|z — 25| dat gia tri nho nhat thi tong phan thiyc va phan o clia z la

A. —5+10\/§_ B. —5_10\/ﬁ. C. —1+2\/ﬁ. D. —1_2\/ﬁ.

17 17 17 17

Loi giai.
Goi My, My, M lan lugt 1a diém biéu dién clia 21, 2o, z thi Yy
M thudc dusng tron (%) nhu hinh vé.
Ta c6 AIM M, ~ ATOM ti s6 bang 2, suy ra MM; = 20M.
T =|2—2|+2|z— 2| = MM, +2M M,y = 20M +2M M, = I M,
2OM + MM,) > 20 M.
Vay T nho6 nhat khi va chi khi M = My = OM, N (%), suy ra 0 4 F

toa do cia M la nghiém cua hé

r =4y
~ 4+ 813
y=2(0<y<1) r =4y 1+2v13 M= ——
4 = ) = y:1—7(nhan):> 1 2\/1_3
2 (y—1)? — 172 — 2y — 3 =0 +
4+ (y—1) 4 Y Y | — 9JT3 | y:T'
| y:T(loal)
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Chon dap an @ O

Cau 1725. Cho sb phiic z théa méan |z — 3 — 4i| = /5. Goi M va m lan lugt la gia tri 16n nhat va

gia tri nhé nhat ciia biéu thitc P = |z + 2|?> — |z — i|2. Tinh mo-dun ctia s6 phiic w = M + mi.

A. |w| = 1258. B. |w| = v/1258. C. |w| =2v/314. D. |w| = 2v/309.
Loi giai.
Giad st z = a+ bi (v6i a,b € R). Ta ¢
|z —3—4i|=v5e (a—3)2+(b—4)*=5. (1)
P=]z+2P—|z—i*=(a+22?+0*—a*— (b—1)>=4a + 20+ 3. (2)
Tit (1) va (2) ta c6 20a® + (64 — 8P)a + P? — 22P 4 137 = 0. (%)

Phuong trinh (%) ¢6 nghiém khi A’ = —4P% + 184P — 1716 > 0 < 13 < P < 33.
Do d6 w = 33 + 134. Vay |w| = v/1258.
Chon dap an O
Cau 1726. Goi a, b 1a hai nghiem ctia bat phuong trinh 2 + e** < 2¢* sao cho |a — b| dat gia
tri 16n nhat. Tinh P = ab.
A . P=e. B. P=1. C. P=¢é D. P =¢*.
Loi giai.
Diéu kien > 0. Ta c6 dang thiic e’z — (61”)1” = z"* Khi dé6

gnT | eln’e §2e4<:>2-e1n2‘” <2-fehr<d4e Inz| <2

1
1 2 a=-3
S 2<Inz<2& —-<zr<e = e” .
e2 2
b=c¢c
Vay P =ab = 1.
Chondépén 0

Cau 1727. Cho hai s6 phiic 21, 2o thod man |2y + 5| =5, |20 + 1 — 3i| = |22 — 3 — 6i]. Gia tri nho

nhat clia |21 — 25| 12

1
A2 B. L C. -. D. 2.

2 2 2 2
Lai gidi.

Gia st z1 = ay + byi, (a1,b1 € R), 29 = as + bai, (az, by € R).

Ta c6 |21+ 5| =5 < (a1 + 5)* 4 b2 = 25. Do d6, tap hop cac diém A biéu dién s6 phitc 2, la dudng
tron (C): (z 4+ 5)% + y* = 25 ¢6 tam la diém I(—5;0) va ban kinh R = 5.

|zo + 1 — 3i| = |22 — 3 — 6i] & 8ay + 6by — 35 = 0. Do d6 tap hop cac diem B biéu dién cho s6 phiic
2, 1a dudng thang A: 8z + 6y — 35 = 0.

5)
Khi d6, ta ¢ |21 — 23] = AB. Suy ra min |z; — 25| = min AB = d(I;A) — R = 3"
‘ L 5)
Vay gia tri nhé nhat cia |z; — 25| 1a 3
Chon dap an @ O

Cau 1728. Xét cac s6 phitc z = a+ bi (a,b € R) théa man |z — 3 — 3i| = 6. Tinh P = 3a + b khi
biéu thitc 2 |2 + 6 — 3i| + 3|z + 1 + 5i| dat gia tri nhé nhat.

A. P =—/20. B. P =/20. C. P=2-+20. D. P =2+ +/20.
Loi giai.

Suu tam € bién soan Th.s Nguyén Chin Em 437 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

(1) Cach 1 : Phuong phap dai sb
z2—=3-3i=a+bi—-3-3i=t=x+vyi=|t| =622 +y*> =36 véi z,y € R.

Ta suy ra

2|z 46— 3i| + |z + 1+ 54
3
= 2(|z+6—3i|—|—§|z—|—1+5i|>

3
= 2(\t+9\+§|t+4+8i|)

\/(:r;—i—9)2+y2+g\/(x+4)2+(y+8)2>

VRS

/N
—_
—_
J
j‘
—_
oo
8
+

|
=
8
+
N
+
<
+
N
N

V521 81 + /(& + 4)2 + (y+8)2)
V@ +42+92 +\/(z+4 + (—y - 8)?)

(lyl + |-y —8]) > 18.

/N 7N

vV
| O] Ok © N w N

Dau” =" xdy ra khi va chi khi

a
b=3—v20.

Tudéosuyra P=3a+b=—v20.
Luu y: Trong cach gii trén ta c6 st dung bat dang thiic Mincowski hay noi cach khac bat
déng thic vé do dai véc-torv/a® + 02+ V2 +d? > \/(a+ )2+ (b+ d)? .

Di » o_» 2 G:kc 202
au’” =" xay ra & , VOl k>0 .
d

(2 Cach 2: Phuong phap hinh hoc
Bai toan tong quat: Xét diem A, B nim ngoai dusng tron (I; R) sao cho AI = kR, k > 1. Ta
can tim vi trf diém M € (I) sao cho T = M A + kM B nhé nhat.
Giai:
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2 z 2 ]-
Xét C la giao diem cia doan Al va (1), lay diem D € IC sao cho ID = ER.

MD IM 1
Khi d6 ID - TA = R?> = [ M? nénA[MDmA[AMém:ﬁ:EHéHAM:kMDVé
T = k(MD + MB). Dén day, d& thay rang M 1a giao diém ctia doan BD va (I) thi cuc tri xay

ra.
Ap dung bai toan trén véi k = 3 ta c6 1oi gidi cau trac nghiem.

2 —3-3i|=6= (a—3)>+ (b—3)> = 36.

Ta can tim gi& tri nhé nhat cia biéu thitc

T=2|/(a+6)2+/(b—3)>%+ g\/(a—k 1)2 + (b+5)2} =2 (MA+ gMB)

V6i M biéu dién s6 phiic z, nen M thudc duong tron tam 7(3;3), ban kinh R = 6 va cac diém
A(—6;3), B(—1;—5).

Tacé]A:g,JD:é(ﬁ:zl;»fﬁ:%ﬁ;»p(—hza).

Phuong trinh duong thing BD: z = —1 .

[ (2= -1
s r=—1 y:3—|—\/ﬁ
Giao diem cua BD va (I) 1a nghiém cua hé & .
(x—3)°+(y—3)* =36 r=—1
 ly=3-Vv20
a=—1
Nghiem théa man la (—1;3 — v/20). Do do = P =3a+b=—?20.
b=3—v20
Chon dap én@ O

Cau 1729. Xét s6 phitc z = a + bi, (a,b € R) c6 mdodun bing 2 va phan do duong. Tinh gia tri biéu
thiic S = [5(a + b) + 2]?°'8 khi biéu thic P = |2+ 2| + 3|2 — 2| dat gi4 tri l6n nhat.

A. S = 22018 B. § = 22019, C. S=1. D. 0.
Loi giai.
Gid st z=a+bi,(a,b €R; b>0). Taco |z| =2 & a® +b* = 4.
P=/(a+22+0+3y/(a—2)2+b =8+ 4da+ 38— 4da véia € [-2;2].
Xét f(a) = ﬁ/m+ 3%/m trén [—2; 2]

Mo = % Ao

8 6
Vay Pma$:4\/ﬁ<:>a:—g:>b:g.VayS:[5(a+b)+2]2018:0.

Chon dap an @ 0

=0&a=—1.
4= 75
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Cau 1730. Xét cac s6 phiic z = a + bi, (a,b € R) ¢6 mdodun bang 2 va phan do duong. Tinh gia tri
ctia biéu thiic S = [5(a + b) + 2]2°'8 khi biéu thiic P = |2 + z| + 3|2 — 2| dat gia tri 16n nhat.
A. S = 22018 B. § = 22019, C. S=1. D. S=0.
Loi giai.
Ta c6 |z| =2 & a? + b? = 4.
Taco P=+/(a+2)2+0*+3/(a—2)2+b =+8+4a+3v8—4da véiac[-2;2].
Xét ham s6 f(a) = /8 + 4a + 3v/8 — 4a lién tuc trén doan [—2;2].

. 6 8
Daohamf’(a)z\/8+4a—\/8_4a204:)a:—g.

P 8 6
Vay P dat gia tri 16n nhat bang 44/10 tai a = —% Khi d6 b = 5
Tw dé co S =0.
Chon dap an @ O

Cau 1731. V6i hai s6 phiic z; va 29 théa man 2y + 2o = 8 + 6i va |21 — 23| = 2. Tim gi4 tri 16n nhat

cia P = |z1| + | 2.

A. P=5+35. B. P = 2y/26. C. P = 46. D. P =34+ 3v2.
Lo giai.
Goi A la diém biéu dién ctia z;, B la diém biéu dién ctia 2. Dung hinh B c

binh hanh OACB (v6i O 1a gbc toa do), khi d6 C' 1a diém biéu dién cta

sO phtic 2, + 2z, = 8 + 6.

Ta ¢6 |OA| = |z, |OB| = |z|, |0C| = [8+6i] = 10 va |[AB| =

|21 — 22| = 2. 0 A

Goi M la tdm hinh binh hanh OACB, OM = % =5, ta ¢

_OA’4+ 0B AR’

OM?
2 4

= OA? + OB? =52 = |z|* + | 2| = 52.

Tu do ta co

2] + |z2| < \/2 (I21f* + |22f) = 2v26.

Déng thitc x4y ra khi va chi khi |2;| = |2, = v/26.
Vay gia tri 16n nhat ctia P = |z 4 |22 bing 2v/26.
Chon dap an O
Cau 1732. Cho s6 phtic z thod man |z — 3+ 44| = 2, w = 22+ 1 — 4. Khi d6 |w| ¢6 gid tri 16n nhat
la

A 16+ V74, B. 2+ 1/130. C. 4+ VT4 D. 4+ /130.
Loi giai.
Xét M(x,y) la diem biéu dién s6 phtc z, 2 = z + yi (z, y € R).
Ta co |v+yi —3+4i| =4 < (r—3)% + (y +4)? = 4. Suy ra M nam trén dudng tron tam [(3; —4),
ban kinh R = 2.

Ta cb

w| = |20+ 2y +1—i| = /(20 +1)2 + (2y — 1)2

) +(-3) (-53)
= 2 - —2) =2PM, v6i P —=;- ).
\/<x+2> T3 v 2’2
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/65 .
Vi Pl= 5 > 2 nén P nam ngoai dudng tron tam I ban kinh R = 2. P

Khi do
/65
PMyx =PI + R = 7+2.

. 65
Vay |w]| c¢6 gia tri 16n nhat 1a 2 <2 +1/ ?) =4+ v130.

Chon dap an @ O

Cau 1733. V6i hai s6 phiic 21 va 23 théa man z; + 20 = 8 + 61 v |27 — 23| = 2. Tim gid tri 16n nhét
clia P = |z1] + |22].

A. P=5+35 B. P =2V/26. C. P = 4V6. D. P =34+ 32
Loi giai.
Trong mat phing phiic, goi M, M, lan lugt 1a diém biéu dién s6 phitc 21 va 2s.
Ta ¢6 O_M’1+O—M'2( = |21+ 2| = |8+ 6] = 10 va ‘O—Ml —O—Mg‘ = |2 — 2| = 2.
Ta danh gia dugc

PP = (Jul + =) < (12417 (Jaf +]2)%)
5 2 5 2
= 2<‘OM1‘ +‘0M2‘>
— — |2 — — |2
- ’OM1+OM2‘ +‘0M1—OM2‘ — 104.

Suy ra P < 24/26. Dang thitc x4y ra khi |z;| = |22|. K& hop véi 21 + 20 = 8 + 6i v |21 — 20| = 2 ta

i dug N 11, 17 n 19
im =— 4+ — = — 4+ —i.
je 2 =~ FivVan = =
Vay gi tri 16n nhat ctia P 1a 21/26.
Chon dap an O

Cau 1734. Xét cic s6 phtic 2 = a + bi (a,b € R) thda man |z — 3 — 3i| = 6. Tinh P = 3a + b khi
biéu thitc 2|2 + 6 — 3| + 3|z + 1 + 54| dat gid tri nhé nhat.
A. P =+/20. B. P =2++/20. C. P=—/20. D. P=2-+/20.
Loi giai.
Goi M la diém biéu dién cho s6 phic z va I, A, B la cac diém lan lugt biéu dién cho sé phiic
21 =34 3,20 = —6 4 3i,23 = —1 — 5i= 1(3;3), A(—6;3), B(—1;-5).
Ta c6: |z —3—3i| =6 < IM =6 < M thuoc dusng tron (7') tam I, ban kinh R = 6.
Suy ra 2|z +6—3i| +3|z+ 1+ 5i|=2MA+ 3MB.

Ta di tim diém C sao cho

OMA = 3MC

AMAS = 9MC”

4(31 + TA)" = o(;1 + IC)°

2M1 - (4TA - 9IC) = 5R? — A1 A* + 91 C*

i

i3

i

Chon C théa man ATA —9IC = 0 thi

16
5R? — 4T A% +9IC? = 5R?> — 41 A% + E]AQ =0.
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Do d6 C'(—1;3).
Khi do:

—— 39 — — —\ 2
AMA™ = 9MC = 4(MI + I4)
— —5R*4+4IA% — 9IC? +2M] -
= 2MA =3MC.

Do d6 P=3MC+3MB > 3BC = 24.
Dau bing xay ra khi M 1a giao diém ctia doan thing BC vé6i duong tron T (vi B nim ngoai dudng

9 MI+1IC

_ _)“* :)2
(

4IA —-9IC

tron, C' nam trong duong tron).
Dudng thang BC c¢6 phuong trinh oz = —1.
Toa do giao diem ctia BC véi dusng tron (T') 1a nghigm ctia he:

=

(z—3)°+(y—37=36 r=—1
{y:?)—\/%.

Do M nam gifraBVaCnénM(—l;Z’)—\/ﬁ).

Vay Pain =246 2=—1+ (3-v20)i

=a=1;b=3—-20= P =—20.

Chon dép an (C) O

r=—1
{x——l y:3+\/%

Cau 1735. Cho s6 phiic z théa man |z — 2i| < |z —4d| va |z — 3 — 3i| = 1. Gi4 tri 16n nhat ctia biéu
thic P = |z — 2| la

A. V13 +1. B. V10 + 1. C. V13. D. V10.
Lo gii.
Goi z =z +yi(xz,y € R). Ta c6
|z =2 < |z —4i| = 22+ (y —2)? < 2%+ (y — 4)? & y < 3 = tap hop diém biéu dién sd phiic 2
thuoc nita mit phang bs A: y = 3, ké ¢ bd (mién t6 dam). Goi mién nay 1a (Cy).
z—=3-3i|l=1=|(z—-3)+(y—3)i|=1%& (r—3)2+ (y — 3)> = 1 = tap hogp diém biéu dién sd
phiic z 1a dudng tron (Cy) ¢6 tam 1(3;3), ban kinh R = 1.
Nhu vay tap hgp diém M biéu dién s6 phtic z 1a giao ctia (C1) va (Cy). D6 chinh 1a phan cung tron
nét lien nhu trén hinh vé (c6 tinh 2 diém dau mat D(2;3),C(4;3) clia cung).

Khi d6 P = |z — 2| = M B v6i B(2;0) va M B la khodng cach tit diém B dén mot diém thuoc cung
tron C'D.

Tt d6 suy ra Pop.. = BC = /13.

Chon dap an @ [l
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Cau 1736. Cho 2z, z; 1a hai trong cic s6 phiic thdéa man )z -3+ \/gz‘ =2 va |z — 2| = 4. Gi4 tri

16n nhat cta |z1] + |22| béng

A. 8. B. 4V/3. C. 4. D. 2 +2V/3.

L&i giai.

Goi M, N lan lucgt 1a diém biéu dién ctia hai s6 phiic z; v 2.
‘zl—3+\/§i‘:‘22—3+\/§2":2 v

Do |
‘21 — 22’ =4 O] T

2
M Ne©):(z-32+ (y+V3) =2 M

nen
MN=4=2.2. N

Nhu vay MN la dudng kinh cta dusng tron (C) véi tam

I(3;—V/3), ban kinh R =2, do d6 I la trung diém MN.

2
Ta c6 |21] + 22| = OM 4+ ON < /(1 +1)(OM? + ON?) = \/2 (20[2 LMY ) = 8.

Dau “=" xay ra khi va chi khi OM = ON < MN la duong kinh ctia (C) vuong goc véi OI.

Chon dap an @ O
Cau 1737. Gid st 21, 23 1a hai trong céc s6 phitc z thod man (2 — 6) (8 + E) 1a 86 thuc va |21 — 25| =
4. Gia tri nhé nhat clia |z; + 323| bing

A. 20 — 44/22. B. 5 —+21. C. 20 — 4+/21. D. 5 —+/22.

L&i giai.

@)

Gia st 2 = = + yi, v,y € R. Goi A, B lan lugt 1a diém biéu dién cho céc sb6 phic 21, 2. Suy ra
AB = ’Zl —ZQ‘ = 4.

Ta co
(z—6) (8+21) =[(z —6) +yi] - [(8—y) — xi] = 8z + 6y — 48) — (2 + y* — 6z — 8y) i.

Theo gia thiét (z — 6) (8 + z4) 1a s6 thuc nen ta suy ra 22 + y? — 6z — 8y = 0, tiic 1a cac diem A, B
thuoc duong tron (C) tam 1(3;4), ban kinh R = 5.
Xét diém M thuoc doan AB théa man

—>

MA+3MB=0 < OA+30B = 40M.
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Goi H la trung diém AB. Ta tinh duge HI? = R> — HB?> =21 va IM = VHI?2 + HM? = /22, suy
ra diém M thudc dudng tron (C’) tam I(3;4), ban kinh r = 1/22.
Ta co

21 + 3] = ‘(‘)71 + 3(7§‘ — ‘4(71\7‘ — 4OM.

Do d6 |21 + 325] nhé nhat khi OM nho nhat.

Vi O nim ngoai dusng tron (C') nén gia tri nhd nhat ciia OM 1a min OM = |O] —r| = 5 — /22
khi M = M,.

Vay gia tri nhé nhat clia |2 + 32,| bing 20 — 41/22.

Chon dap an @ O
Cau 1738. Xét cac s6 phitc z thdéa man [z| = |2+ 2i], gia tri nhé nhét cia |z —i| + |z — 4| bang

A. 5. B. 4. C. 3v3. D. 6.
Loi giai.

Goi 2 = x + i, (z,y € R) la s6 phiic théa man bai toan. Khi do,

Zl = |z 42 & \Ja2+ (—y)P = et + (y+22 S dy+4=06y=—1.

Nhu thé

2 =il + |2 —4] = a2+ (y— 1)+ (x— 42+ y?
= Va?+224 /(4 —x)2+12
> @ +4—2)2+(2+1)2=5

2 ‘ 4 — 8 8
Dangthﬁcxéyrakhi%: 1$<:>x:§,t1’1’cléz:§—i.
Vay gié tri nho nhat cia |z — i| + |z — 4| bang 5.

Chon dap an (A) O

Cau 1739. Cho s6 phiic z ¢6 |z| = 1. Tim gid tri 16n nhat ctia biéu thic P = 22 — 2| +[22 + 2 + 1|.

13 11
A. R B. 3. C. V3. D. R
Li giai.

Véi |z| =1 hay z-Z =1, ta c6

P = |22—z|+|P+z+1 =z |z =1 +|"+2+ 27|
— |z—1+|z+Zz+1].

Datt=lz—1[,tac6 0=z =1 < |z = 1| < |z]|+1=2=t € [0;2].
Suyrat?’=(z—-1)z—-1)=2-2—(2+2)+1=>2+2=2—1t.
Khi d6 P =t + |3 — t?|. Xét ham sd f(t) =t + [t — 3] véi t € [0;2].

t>V3

t< -3
Xét t € [0;2] =t € [v3;2].
Suy ra f(f) = 24135 () =2+ 1, [()) =0t = — <0,
Co f(V3) = V/3; f(2) = 3.

TH1. V6it? —3 >0 <
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TH2. V6it2 —3 <0< —/3 <t <3
Xét t € [0;2] =t € [0;/3].

1
Suyra f(t) = 2+t +3=f(t)=-2t+1, f/(t) =0t = 5 € [0;4/3].
1 13
o1 (1) =2 0 s
6 r(3) =" 0
1 P ” X 13 .. 1
Suy ra gia tri 16n nhat cua f(t) véi t € [0;2] 1a f(t>zzkhlt:§'
13
VéymaXP:Z
Chon dap én@ O

Cau 1740. Xét cac s6 phtic z théa man |z — 1 — 3i| = 2. S6 phiic z ma |z — 1| nhé nhat 1a

A z=1+bi. B.z=1+:. C. z=1+ 3. D . z=1-1.
Loi giai.
Goi 2z =z +yi (z,y € R). Khi d6 M(z;y) la diém biéu dién clia s6 phiic 2. y

Theo bairataco |z —1—3i| =2« (z— 1)+ (y — 3)? = 4. Suy ra tap hop
diém M 1a duong tron tam I(1;3) ban kinh R = 2.

Khi do |z — 1| = \/(z — 1)2+ 42 = I'M véi I'(1;0).

Ta ¢6 |z — 1| nho nhét khi I’M ngin nhat hay I, M, I’ thang hang, M nam
gitta I va I’

Phuong trinh duong thang 7' 1a z = 1.

Toa do giao diem ctia duong thang 11’ v6i duong tron tam I ban kinh R = 2 1a M;(1;1) va M,(1;5).
Thit lai ta thay M;(1;1) thoa man. Vay z = 1 + .

Chon dap an O

Cau 1741. Cho z la s6 phiic thdéa man |Z| = |z + 2i|. Gi4 tri nh6 nhat cla |z — 1 + 2|+ |2z + 1 + 34|
la
A. V5. B. 5V2. C. V13. D. v29.
Léi gii.
Gida st z=x+yi v6i z,y € R, ta c6

Zl=|z+2i|l e 2+ =2+ (y+2)° e y=—1.

Goi M(z;—1), A(1;—2), B(—1;-3) lan lugt 1a diém bieu dién ctia cac s6 phiic z, 1 — 24, —1 — 3i.

Ta co

P=|z—1+4+2il+]z+143i|=|z—(1—-20)|+|2—(—-1—3i)| = AM + BM.

D& thiy M nim trén duong théng d: y = —1, hai diém A, B nim ciing phia A
déi v6i duong thang d. Goi A’ 1a diém déi xiing ctia A qua d, khi d6 A’(1;0). AZ
Do d6 P =AM + BM = AM + BM > A'B = i+ 9 = /13. d My 1 H
Dau “=” x4y ra khi v& chi khi M nam giita hai diem A’, B.
Diém M la giao diém ctia duong théing A'B: 3z — 2y —3 = 0 vi dudng thang A
d, suy ra M (%, —1).

B
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Cach khéac: Ap dung bat ding thic Min-cdp-xi-ki ta duge

P = |z2—142i|+z+1+4+3i|=/(z—1)2+1+/(z+1)2+4

= VA2 + 1+ /(z+12+4>VEI19=13.

. 1
Dau “=" xdy rakhivachikhiz +1=2(1—2) &z = 3
1
Vay min P = /13 khi va chi khi z = 37 i.
Chon dap an (C) O
Cau 1742. Cho sb phiic 2 thdéa man |4z + 3i| = |42 — 4 + 5i|. Tim gia tri nhé nhat ctia biéu thitc
= |z +1i|+ |z — 3.
A. min P = 2V/2. B. min P = 21/5. C. min P = 5v/2. D. min P = /5.
Loi giai.

Cach 1. Goi z =z + yi véi z,y € R. Khi do

|42+ 3i| = |42 — 4+ 5i| & (42)* + u+3)* = 4z —4)* + (dy +5)°* &y =21 — 2.

DodéP:\/x2+ +\/x2 (y—3)2 = vbHa2 — 4o + 1+ /522 — 20z + 25 = f(x).

Ta 6 f'(x) = 5:(; 2 5x—10
Vhr2 — 4z + 1 \/59[:2—203:—1—25’

(52 —2)(bx —10) < 0 2
flz) =0 er==.

(52 — 2)%(52% — 202 4 25) = (5x — 10)(5z? — 4x + 1) 3
Bang bién thién

2
X —0 § “+00
f'(2) - 0 +
f(z) \ /
2v/5

2
Vay min P = f (§> = 2v/5.
Cach 2. Goi M(z;y) 1a diém bicu dién ctia s6 phiic 2. Khi d6

|42 + 3i| = |42 — 4+ 5i| & (4x)* + 2y +3)° = (4o —4)* + (dy + 5 22—y —2=0.

Suy ra M chay trén duong thang d: 20 —y — 2 = 0.
Goi A(0; —1), B(0;3). Khi d6 P=MA+ MB.

Vi[2:0—(—=1)—2](2-0—3—2)>0nén A, B ndm clung phia so véi d.

4 7
Goi A’ 1a diém déi xing véi A qua d. Ta tim duge A’ (5 —5> Khi do

P=MA+MB=MA +MB > A'B =25,
déng thic xay ra khi M trung M, (g, —%) la giao diém ciia doan A’B va d.
Vay min P = f (g) =25
Chon dap an O

Suu tam € bién soan Th.s Nguyén Chin Em 446 https://emncischool.wixsite.com/geogebra




https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Cau 1743. Cho s6 phiic z, 21, 23 théa man |z; —4 —5i| = |20 — 1| = 1 va |27 + 44| = |z — 8 + 4i].
Tinh |z; — 22| khi P = |z — 21| + |2 — 22| dat gid tri nho nhét.

A. 2¢/5. B. V41. C. 8. D. 6.
Loi giai.

Gid sit 21, 29, 2 ¢6 diem biéu dién lan lugt 1a A, B, M.
Tap hop diém biéu dién s6 phiic z; 1a dudng tron (C})
tam I(4;5), ban kinh Ry = 1.

Tap hop diém bicu dién s6 phiic z; 1a dusng tron (Cs)
tam J(1;0), ban kinh Ry = 1.

Tit [2+4i| = |z — 8 +4i| ta tim dugc tap hop diém bicu
dién ctia z la dudng thang d:  —y — 4 = 0.

Goi K la diém déi xing ctia J qua d. Ta dé& dang tim
duge K(4;—3).

Ta c6 MA+ MB +2 = MA+ITIA+ MB + JB >
MI+MJ=MI+MK >IK =8.

Suy ra MA+ MB > 6.

Vay P = |z —z1|+ |z — 22| = M A+ M B dat gia tri nhd
nhat 1a 6.

Chon dap an @ OJ

Cau 1744. Trong cac sb phiic z thoa man |z — 1+ 4| = |z + 1 — 24|, s6 phiic z ¢6 mo-dun nhoé nhat

c6 phan 4o 1a

A2 B. 2 c -3 D, -2
10 5 5 10
L&i giai.

bat z =z +yi (z, y €R).
Khi d6,

lz—1+4+i=Z24+1-2i] & |z4+yi—1+4+i=|z—yi+1—2i
& (=12 +y+1)°=(+1)°+(y+2)°
& Az +2y+3=0.

Do d6 tap hgp diém M (z;y) biéu dién s6 phitc z thude dudng thang d: 4z + 2y + 3 = 0.
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Goi H 1a hinh chiéu ctia O lén duong thang d. y
Khi d6 s6 phiic ¢6 mo-dun nhé nhat thoa man dé bai co diém biéu dién 1a H.
Dudng thang OH c6 phuong trinh 1a z — 2y = 0.
Suy ra toa do H thdéa méan hé phuong trinh
O =z
3
{4x+2y——3 r=-z "
<~ 3
r—2y=0 -
YT
Vay phan 4o ctia s6 phiic can tim 13 10
Chon dap an @ [l

Cau 1745. Xét cac sb6 phic z = a + bi, (a,b € R) théoa man 4(z —z) — 15i = i(z + z — 1)* va
|22 — 1+ 4| dat gi& tri nhoé nhat. Tinh P = 4010a + 8b.

A. P =2020. B. P =2019. C. P= % D. P:%.
Laoi giai.
Ta co

A(z—72)—15i = i(2+2—1)2 & 4 (a+ bi — a + bi)—15i =i (a + bi + a — bi — 1)? & 8b—15 = (2a — 1)°.

1
Suyrabzg-|22—1+i|:\/(2(1—1)2+(2b—|—1)2:\/86—15+462—|—4b+1:\/4b2—|—12b—14.

Xét ham s6 f(b) = 4b* + 12b — 14 v6i b > %; f'(b) =8b+12>0,Vb > %

Suy ra f(b) 1a ham s6 dong bién tréen {%, —i—oo) nén f(b) > f (%) = %

Do d6 |2z — 1 + 4| dat gia tri nho nhat bz\ing\/iﬁ khi b = %; a= %

Khi d6 P = 4010a + 8b = 2020.

Chon dap an @ O

Cau 1746. C6 bao nhiéu s6 phiic c6 phan thiic va phan 4o 1a cac s6 nguyén, dong thoi théa man
cac dicu kien |z + 4i| + |z — 6i| = |z + 1| + |z — 3i| va |z| < 20197

A. 2019. B. 7857. C. 4030. D. 4032.

L&i giai.
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Goi diém biéu dién ctia z 1a M. y
(
A(Oa _4) ’ B
B(0;6) )
Dit . Ta thay 7(0;1) la trung diem ctia C'D va cia AB.
C(0;-1)
| D(0;3)
Ta thay
N
|z + 4i| + |z — 6] = |z + 4| + |z — 31
=~ MA+MB=MC+MD. (1) .
I
Ta xét céc truong hop 1
— Truong hgp 1: M khong thude Oy. 0
T hinh 1, ta thiy (1) khong x4y ra. v
— Truong hgp 2: M thuoc doan AB, bé hai diém A va B. -1 C
Tt hinh 1, ta thay (1) khong xay ra.
— Truong hop 3: M thudc tia By hay Ay'.
Tt hinh 1, ta thay (1) luon dang.
A
—4
A
Hinh 1
Vi |2 < 2019 nén c6 (22019 + 1) — 9 = 4030 diém M théa man (1).
Chon dap an @ O

Cau 1747. Cho cac sb phiic z, 21, 2, thay doi théa man cac diéu kién sau |iz + 2i + 4] = 3, phan

thuc ctia z; bing 2, phan 4o ciia z, bing 1. Tim gié tri nho nhat ctia biéu thiic

T=lz—zu’+|z—=|.

A. 9. B. 2. C. 5. D. 4.
Lo gidi.
Goi z = x4 yi véi 7, y € R va M la diém biéu dién s6 phtic z = M (z;y).

Ta cb

liz+2i+4 =3

li(x 4+ yi) +2i +4] =3
(4—y) + (x+2)i| =3
VE—y)?+ (@ +2)2=3
(z4+2)°+(y—4)?*=09.

L R R

Suy ra tap hop diém M 1a dudng tron (C) c6 tam I(—2;4), ban kinh R = 3.
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— Goi z; = 2+bi v6i b € R = A(2;b) la diém biéu dién

sO phiic z;
= tap hop diem A la duong thang d;: = = 2.
— Goiz =a+ivéia€R= B(a;1) la didm biéu dién qH
sO phtic 2
= tap hop diém B la duong thing dy: y = 1.
P
2 T
Goi H, K lan lugt 1a hinh chiéu vuong goc ctia M trén dy, doy va P =d; Ndy = P(2;1).
Taco T =|z—z| +|2— 2" = MA*+ MB?>> MH? + MK? = MP2.
Khi d6 T' nhé nhat khi va chi khi M P nhé nhat I, M, P thang hang (theo thit tu do6).
Ta ¢6 M P nhd nhat khi MP=IP—IM =1IP —R=./42+(-3)2-3=2.
Vay minT = 4.
Chon dap an @ O

Cau 1748. Cho cac s6 phiic 2z va w théoa man (2 + 4)|z| = Z 41— Tim gid tri 16n nhat cta
w
T=|w+1—1.

42 V2 2v/2
A ——. B. —. CcC. —. D. v2.
3 V3 3 V2
Loi giai.

Nhan xét z = 0 khong théa man gia thiét bai toan. Dat |2| = R, R > 0.
Ta c6
@+i)] == +1—i
i)|z| = — -1
w

= (2R—1)+(R+1)7L:£

R
= — —VBRZ_2R+2

|w]

~ L_\/5R2—2R+2
w| R

V2

Suy ra |w| < 3 VR > 0.

V2 42

2
TacéT:|w+1—i|§|w|+\1—z'|§7—1—\/5:—.

w

2| =2
Déng thitc xay ra khi { w = k(1 —1i),k >0 PN
z
241 =—+1—1
(2+1)lz) = — +1—i

442

Vay maxT = 5
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Chon dap an @ O

Cau 1749. Cho s6 phiic z thda man 3 |z + z| + 2|z — z| < 12. Goi M, m lan lugt la gid tri 16n nhat,
nho6 nhat cta |z — 4 + 3i|. Gia tri clia tich M - m béang

A. 28. B. 24 C. 26. D. 20.
Loi gii.
Gid st z = v+ yi, (z,y € R) ta co y
3z 472|422 -7 <12 < 3|z| +2Jy| < 6. (1)

Goi A(—2,0), B(0,-3),C(2,0),D(0,3), ta c6 tap cic diém

M (z;y) thoéa méan (1) chinh 1a mién hinh binh hanh ABCD

(tinh c& bieén).

Vé duong tron (C;) tam I, ban kinh R, = ID = /52, duong
12¢/13

tiep xtc v6i canh BC.

tron (Cs), tam I, ban kinh Ry =
Taco P=|z—4+3i|=/(r—4)>+ (y+3)2=1IM.

Ta c6, toan bo cac diém thuoc mién hinh hinh hanh ABC'D nam trong hinh tron (C;) nén véi M
bat ky thuoc mién hinh binh hanh ABCD thi ta luon c6

IM < ID = /52. (2)

Dau bang ctia (2) xay ra khi M = D.

) 12v/1
V6i M bat ky théa man (1) = IM > Ry = 1\2_3 =d (I, BC). (3)

Dau bang ctia (3) xay ra khi M 1a tiép diém.

124/13
13

Suy ra ta c6 M =max P = v/52,m =min P =
Vay M -m = 24.

= M x m = 24.

Chon dap an O
Cau 1750. Ki hieu S la tap hop céc s6 phitc z dong thai théa man dicu kien |z — 1| = /34 va
|z +1+mi| = |z +m+ 2i| trong d6 m 1a s6 thuc. Goi 21, 23 14 hai s6 phtic thuoc S sao cho |z; — 29|
12 16n nhat. Tinh gia tri clia |21 + 22

A |z + 2| = 2V2. B. |z1 4+ 2| =2. C. |21 + 2| = V2. D. \21—|—22|:%.
Lo gidi.
bat z =z +yi v6i z,y € R.
Theo bai ra

|z 4+ 1+ mi| = |z +m+ 24|

{<x+1>2+<y+m)2=(x+m)2+(y+2)2
(x—1)P2+y* =34

{(2—2m)x+(2m—4)y—3=0 (d)
(

=

=

r—1°+y*=34 (O) 0
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Goi A, B theo thit ty l1a cac diém biéu dién cho cac sb 21,2, thi A, B la cac giao diém ciia duong
thang d va duong tron (O).

Ta c6 |21 — 22| = ‘52—5—3)) = AB.

Nén |z; — 25| 16n nhat < AB la dudng kinh cia (C') < d qua tam I(1;0) ctia (C) nén

1
(2—2m)-1+(2m—4)-0—3:0<:>m:—5.

Khi d6, he (I) tré thanh

3r —by—3=0
{(x—1>2+y2=34
[(ﬂr;y) =(—4-3)
(z;9) = (6;3).
= |21+ 29| = |(—4 = 3i) + (6 + 3i)| = 2.
Chon dép an (B) O

Cau 1751. Goi 21, 2, 1a hai nghiém phtic ctia phuong trinh 422 — 82 4+ 5 = 0. Tinh gi4 tri ctia biéu
thic |21‘2 + |Zz|2.

A. 2. B. /5. C. g D. g
Lai giai.
. 1
21:1+§2
1
22:1——?: 5
Tac6dz® —82+5=0% | , 2 = a1 + |2 = 3.
2’1—1——i
2
1
29 =14+ =1
L \
Chondépén@ ]

Cau 1752. Cho s6 phiic z thda méan |z| = 1. Tinh gia tri 16n nhat ctia biéu thic T = |z + 1] + 2|z —
1].
A. maxT = 3v2. B. maxT = 2V/10. C. maxT = 2V/5. D. maxT = 3v/5.
Lo giai.
Diat 2z =a+bi (v6ia,b € R). Do |z| =1 nén a® + > = 1. Ta ¢6

T=|z+1]+2]z—1]

(a+1)240%+2¢/(a—1)2+b?
= Va2 +02+2a+14+2Va2 +02 —2a+1
V2a+2+2v2 - 2a < /(124 22) - (20 + 2+ 2 — 2a) = 2V/5.

, 3
Dau “=" xay ra khi a = —E Vay maxT = 2v/5.
Chon dap an @ O
Cau 1753. Goi S 1a tap céc s6 phiic z thoa man |z — 1| = /34, |z + 1+ mi| = |z +m+2i|, (m € R).

Goi 21, 3 1 hai s6 phitc thuoc S sao cho |z; — 25| 16n nhat, khi d6 gia tri clia |2; + 23| bing
A 2. B. 10. C. V2. D. 1/130.
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Lo giai.
Goiz=zx+yi (r,y €R). Tacod |z — 1| =34 & (z —1)> + 4> = 34.
Valz+14+mi|=|z+m+2i| < 2(m— 1z +22—-m)y+3=0.
Khi d6 tap hgp cac diem M biéu dién s6 phiic 2 ndm trén dusng tron (C): (x — 1)2 4+ y? = 34 va
duong thang d: 2(m — 1)z +2(2 —m)y + 3 = 0.
Goi A, B la hai diém biéu dién 21, zp. Khi d6 {A, B} = (C)Nd va |z, — 2| = AB < 2R = 21/34.
Diang thitc x4y ra khi va chi khi

21 =06+ 3t

1
(00 ed=m=——==d:3x—-5y—3=0= = |z + 2| =2.
2 2= —4-3i

Chon dap an @ O

Cau 1754. Gia sit z la cac s6 phiic thda man |iz — 2 —i| = 3. Gia tri 16n nhat ctia biéu thiic
2|z —4 —i| + |z + 5 + 8i| bang.

A. 18V/5. B. 3V15. C. 15V/3. D. 9v/5.
Loi giai.
bat z =z + yi, (z,y € R).
Ta c6

liz—2—i|=3<i| -]z —1+2i| =3
Slz—1+2i=3
S@@-1°+Wy+2?%=9
o ? 4y =20 — 4y + 4.

Xét
T=2lz—4—i|+|z+ 5+ 8i|
=2\/(x =42+ (y — 12+ \/(z +5)2 + (y + 8)?
= 2\/22 +y2 — 8z — 2y + 17+ /22 + y2 + 10z + 16y + 89
= 2y/—6x — 6y + 21 + \/12z + 12y + 93
= V2 /—120 — 12y + 42 + /122 + 12y + 93
< V(24 1)(—122 — 12y + 42 + 122 + 12y + 93) = v/3.135 = 9V/5.

Chon dép an (D) O
Cau 1755. Cho s0 phic z théa man |z — 2 — 3i| = 1. Tim gia tri 16n nhat cta |z 4+ 1+ i].
A 4 B. 6. C. 1+13. D. 24 /13

Loi giai.

Goi z = a + bi(a,b € R). T gid thiét |z —2 —3i| =1 ta c6 (a —2)* + (b—3)* = 1.

Dait A=a—2vaB=b—3tacoé A2+ B> =1.

Taco P? = |z+1+i> = (a+1)*+(b—1)* = (A+3)*+(B+2)* = A+ B*4+6A+4B+13 = 14+6A+4B.
Ap dung bét ding thitc Bu-nhia-cop-xki ta c6 (6A + 4B)? < (6% + 42)(A% 4+ B?) = 52.

Do do P? <144 +/52 = (1+13)? = P <1+ /13,

A B . 313
P, e T 13
Dau bang x4y ra khi ¢ 6 4 &
A2+B2:1 BZQ\/13
13
Chon dap an @ O
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Cau 1756. Cho s6 phitc z théa man |(1 + i)z + 1 — 3i| = 3v/2. Gid tri 16n nhat clia biéu thitc
= |z +2+i| + 6|z — 2 — 3i| bing

A. 5v/6. B. \/E(1+\/6). C. 65. D. /10 + 3/15.
Loi giai.
M
— Ta ¢o
. . , 1—3i
(14+d)z+1-3i|=3V2 & |(1+i)] |2+ 1+Z,1:3\/§
|z —1—2i| =3.

Suy ra tap hop diém M biéu dién s6 phitc z 1a dudng tron tam 1(1;2), ’
ban kinh R = 3. A

— Goi A(—2;—1), B(2;3),tac6 P=MA++6MB. Ta c6 I, A, B thing hang va
MA—=\/TA? + TM2 — 2. TA-IM - cos MIA = /27 — 18v/2¢, v6i { = cos MIA € [—1; 1];
MB:\/JBZHM?—Q IB-IM -cos MIB = /11 + 6v/2t.

— Xét ham f(t) = /27 — 18v/2t + V6 - /11 + 6+/2t trén [—1;1].

18 36 V2
Ta 6 f/(t) = vz, V2 p—0ei= Y2
227 — 18V2t  21/66 + 36v/2t 36
Béng bién thien ham s6 f(t):
t | -1 2 1
36
f'(@) + 0 -

6v/5
ft) / \

— Vay max P = max f(t) = 6/5.

[-1;1]

Chon déap an @ OJ
Cau 1757. Cho hai s6 phtc z;, 2, khac 0 théa man ? 12 s6 thuan 4o va |21 — 2| = 10. Gi4 tri 16n
nhat clia |z;1| + |22| bang i

A. 10. B. 10v2. C. 10V3. D. 20.
Loi gidi.
Dat z; = a+bi, 20 = c+ di v6i a,b,c,d € R, suy ra 21 13 s6 thuan 4o nén ta c6 ac + bd = 0. (1)
T |21 — 22) = 10 & (a — ¢)* + (b — d)? = 100 & a? ijQ + % + d? = 100. (2)

Ap dung bat ding thitc BCS cho hai bo (1;1) va <\/a2 + b2/ + d2>, ta duogc

2
(|2 + |2)? = (Va2 +82+ Ve + &)

< (1P 41%) (a® +0° + & + d*) = 200.
Suy ra —10v/2 < |z | + |z2| < 10v/2, nén (|z1] + |2al) . = 10v2.
, A+ =2+ d
Dang thitc xay ra khi & a?+ b= +d? =50 hay |z| = |2| = 5V2.
a’+ b + &+ d* =100
Chon dap an O

Cau 1758. Cho s6 phiic z thdéa man 2|z| = |2? 4+ 4]. Tim gia tri 16n nhat cta |z|.
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A. 1+ /5. B. 1+ 3V5. C. 3+ 5. D. V6 + V/13.
Loi giai.
Ta thay
2|z| = |2* + 4

o 2z > |2 -4
& [P -2z -4<0

= 0< 2| <1+ V5.

Vay gia tri 16n nhat ciia |z| 1a 14 /5.

Chon dap én@ O
Cau 1759. Cho s6 phiic z thoéa |z — 1 — 2i| = |z — 3 — i|. Khi d6 |z| nhé nhét bang
Al B Y3, c ¥ D. 2
2 2
Loi giai.
bat z =2 +yi, (z,y € R).
Ta co
Y
5
|z —1—2i| =]z —3—1 y
@)
& |le+yi—1-2i =]z +yi—3—1i
& @ -1+ —-2)if=|(z—-3)+(y—1) A
& @120 = @—3+ (-1 /.
& 2414y —dy+4=a>—62x+9+¢y*—2y+1 ?
< dr—2y—5=0.
Suy ra tap cac diém biéu dién ciia s6 phitc z 1a duong thing A: 4o — 2y — 5 = 0.
) D
Do d6 |zl = d(0,A) = L _ V5
42 + (—2)2 2
Chon dap én@ O
Cau 1760. Cho s6 phiic z théa mén |z| = 1. Tim gi4 tri 16n nhat ctia P = |22 + 2| + 2% — z|.
14
A = B. 4. C. 2v2. D. 2V/3.
Loi giai.

P=|22+z|+|2—zl=|zz+ D]+ |z(z=D| = |2||z + 1|+ |z||z = 1| = |z + 1| + |z = 1].
Goi M la diém biéu dién cho s6 phiic z, A(—1;0) va B(1;0), thi M thuoc dudng tron tam O(0;0),
ban kinh bing 1. Hai diém A, B thuoc dudsng tron nay va AB = 2. Ta c6

2+ 1]+ |2 — 1| = AM + BM < \/2(MA? + MB2) = V2- AB? = 21/2.

Dau “=” x4y ra khi va chi khi AM = BM, tic la tam gidc M AB vuong can tai M. Chang han
M(0;1) hay z = 1.

Chon dap an @ O
Cau 1761. Cho s6 phtic z thod man (2 —4)z — (2 +4)z = 2. Gia tri nhé nhat cta |z| bang
2
Al B. %g C. 2 D. ?
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L&i giai.

Diat z =a+bi (a,b € R). Ta ¢

(2—i)z—(240)z=2i & (2—i)(a+bi)—(24+i)(a—bi)=2i
& a=20—1.

Do dé

[\
%
+
U] =
vV
=&

yzy—\/a2+b2—\/5b2—4b+1—\/5(b——

Z 2 9 o 2 1
Dau dang thiic xay ra khi va chi khi b = R =a= —F
. . 5
Vay gia tri nhé nhat cia |z| bang %
Chon dap an @ O

Cau 1762. Cho céc s0 phic z, w théa man |z — 5+ 3i| = 3, |iw + 4 + 2i| = 2. Tim gia tri 16n nhat
ctia biéu thite T = |3iz + 2w|.
A. /554 + 5. B. v578 +13. C. V578 + 5. D. v/554 + 13.
Loi giai.
Xét T = [3iz + 2w| = |3iz — (—2w)|.
Taco|z—5+3i|=3<13i]- |z —5+3i| =3+ |3i] & |3iz — 15i — 9| = 9.
Vafiw + 4+ 2i] = 26 | — 2w + 8i — 4] = 4.
Dat z; = 3iz thi |2 — 9 — 15i| = 9, suy ra tap hop diém M bicu dién s6 phiic z; 14 dudng tron tam
1(9;15), ban kinh Ry = 9.
Dat zo = —2w thi |20 — 4 + 8| = 4, suy ra tap hgp diém N bicu dién s6 phiic 2, 1a dudng tron tam
J(4; —8), ban kinh Ry = 4.
Khi d6 T = MN < IJ+ Ry + Ry. Do d6 T 16n nhat khi MN = IJ + R, + Ry = /554 + 13.

Chon dap én (D) O

Cau 1763. Cho sb phiic z = 2 + yi (z,y € R) théa man |z — 2 +i| = |z + 2 + 5i| va biéu thiic
24y -3y +1

H = dat gia tri nho nhat. Gia tri cia 2z + y
V@2 +y?+20 -2y +2) (22 +y? — 20 — 4y +5)
bang
A. —6. B. -6+ /5. C. -3—-/5. D. —6— /5.
Lo gidi.
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— Goiz=x+yi (z,y €R).

|z — 241 = |2+ 2+ 51
= (-2 +@W+1)2*=(+2)*+(y+5)?

A
& rz+y+3=0 (d).
— Goi M la diém biéu dién s6 phitc 2. Ta c6 M(x;y) va
M ed. M
— Khi do6
. @+ D= D+ (= DE=2

Ve +1)2 4+ (y = D2 /(z = 12+ (y — 2)?
= cos (MA MB) véi A(-1;1), B(1;2).

— Ta can tim M € d sao cho cos (]\ﬂ, MB) nho nhat.

— Ta c6 cos (]\ﬂ, MB) nhé nhét < AMB 16n nhit < M la tiép diém clia duong tron tam I,
qua A, B va tiép xtc véi d.
— [ € A: 4z + 2y — 3 = 0 1a duong trung truc ctia AB va [ A% = d*(I,d).

3 5 4% — 36t + 81
Khi do 1 <t;—2t+§>, TA%2 = 542 + T d*(I1,d) = TJF
. -3+4V5
5 4% — 36t + 81 =
— Taco s+ 2= T a6 36 T1=0 e 6
4 8 _3-4V5
=—
o 3+4v5 (=344V5 15-8V5
—VOMZT,tacoI 5 ; 5 .

Phuong trinh duong thing qua I, vuong géc véid laz —y+3 —2v5=0 (d').
Tac6 M =dnd = M(V5—3—v5) = H~089.
ey — —3—4\/57ta06](—3—4\/5; 15+8\/5)'
6 6 6
Phuong trinh duong thing qua I, vuong géc véidla z —y+3+2V5=0 (d').
Tac6 M=dnd = M(—/5-3;v5) = H~ 097 > 0,89,
— Vay M (\/5— 3;—\/3) théa man. Suy ra 2x +y = —6 + V5.

Chon dap an O

Cau 1764. Goi z;, 2 1a hai trong cac s6 phiic théa man |z — 1+ 2i| = 5 va |2; — 23] = 8. Tim

mo-dun ciia s6 phitc w = 21 + 29 — 2 + 4i.

A. |w| =6. B. |w| = 16. C. |w| = 10. D. |w| = 13.
Li giai.
Goi A la diém biéu dién ctia s6 phiic z;, B la diém biéu dién ctia s6 phiic z,. A

Vi hai s6 phiic 2; va 2z, déu théa diéu kién |z — 1 + 24| = 5 nén hai diém A va

B déu chay trén dudng tron tam [(1; —2), ban kinh r = 5.

Mit khéc |z; — 23] =8 nén AB = 8.

Goi M la trung diém AB suy ra M la diém biéu dién ctia s6 phiic A —g 2

IM =3, B

va

Suu tam € bién soan Th.s Nguyén Chin Em 457 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Do do,
21 + 22 : 1 : ‘
3=IM = -1+ (:)3:§|21+22—2—|—42|(:)|zl+z2—2+4z|:6(:)|w|:6.
Chondépén@ 0

Cau 1765. Goi S 1a tap hop s6 phtic z théa man dicu kieén |z + 3| + |z — 3| = 10. Xét hai s6 21; 2o

thuoc tap hop S sao cho 21 13 s6 thun 4o. Gia tri nho nhat clia bicu thiic |z; - 2| 1a
22
225 800
A —. B. 20. C. —. D. 15.

17 0 41 g
Lo gii.
Trén mat phang toa do xét cac diem Fy(—3;0); F5(3;0) la diém biéu dién cho s6 phitc z € S. Khi d6
theo gia thiét thi M F, + M F, = 10 nén tap hop diém M la elip c6 hai tieu diém Fy; F,. Elip nay c6

dodaitruclénla2a=10=a=5vatitucu2c=6 = c=3. Khi do b = Va2 — 2 = 4.
2

Phutong trinh elip I % + L — 1

ng trinh elip 1a — + &= = 1.

5 P95 16

Do hai s6 phifc 21; 2 € S va = 1 s thuan 4o nén khong giam tinh téng quat ta gia si

22

21 =r1(cosp +ising); zo =19 (cos <g0 + g) + isin (gp - g)) = ro(—siny +icosp).

V6i 1 = |z1|; 72 = |29].

Thay toa do cac diém biéu dién clia z;; 2o vao phuong trinh cta elip ta dugc

2 . 2 .2 .9 2 . 2
5 (cos®e  sin <,0> 1 cos®p sin“p _ (sm ©  cos gp) 1 sin®p cos®p
" ( % 16 2725 T M\ T 225 16
1 1 1 1 41 2 800
PO T T T T 0" e, 2T
. 00 . . . . 800
Do d6 |21 - 29| > TR Vay gia tri nhé nhat cia |z - 2| 1a IR
Chon dap an @ O

Cau 1766. Goi 2 la s6 phiic c6 mo-dun nhé nhat thda man |z + 4+ 1| = [ +4|. Tong phan thyc va
phan 4o ciia z bang
3 1
A ——. B. -. . —. . :
10 5 10 5
Loi giai.
Dit 2 = a + bi v6i a, b 1a cac s6 thuye. Tu gia thiét bai toan, suy ra

la+1+(b+1il=]a+ (1=b)i| & (a+1)*+(b+1)2>=0a*+ (1 -b)? & 2a+4b=—1.

Khi d6, ta c6 | — 1| = [2a +4b] < V22 +42 - Va2 + 12 = |2| >

e}

2a +4b = —1 a= —%
Vay]z\:\/—z_()(:) a_b & b__z
2 A4 10
Tong phan thuc va phan o la T
Chon dap én@ O
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Cau 1767. Cho s6 phitc z théa man |z| = 1. Goi M, m lan lugt 1a gia tri 16n nhat va gia tri nho
nhat cta thic P = |z + 1| + |22 — 2 + 1|. Tinh M - m.

39 13\/’ 13
g B. —— — D. :
4" 4 c. 4 33
Loi giai.
Dat z =a+bi(a,b € R). Do |z| =1 nén a® +1* = 1.

Taco |z4+ 1| =+/(a+1)2+ b =2+ 2a.

22 —z+ 1] =|(a+bi)> —a—bi+ 1| =|a® = b* —a+ 1 + (2ab — b)i
= (a® =02 —a+1)% + (2ab — b)?
= Va2(2a— 12+ 0220 —1)2 = 2a — 1| vi (> + 1> =1).

Vay P=2a— 1|+ +v2+2avaa € [—1;1].
bat g(a) = |2a — 1| + V2 +2a va a € [-1;1].

1
Trudng hop 1: Xét ham s6 g(a) = /2(1 + a) —|—2a—1v01a€[§;1]

1
Ta ¢6 ¢'(a) = +2>Ovéix6[§;1].

1
V2(1 +a)

1
Nén max g(a) = g(1) = 3; ming(a) =g (—) =/3.
3] E} ’
1
Trudng hop 2: Xét ham s6 g(a) = \/2(1+a) —2a+1véia € [—1;§>.

1-2/2(1+a)

1
V2(1+ a) —= V2(1+a)

Bang bién thién

Ta c6 ¢'(a) =

§d(@)=0<1-2\/2(14+a)=0a=—

. | 7 1
8 2
g'(a) + -
13
g(a) 4
3 T V3

. 7 13
Tt bang bién thién ta c6 max g(z) = g (——) =7 va khong ton tai gia tri nhé nhat trén nia

1
khoang {—1; —).
2
. 13 . . )
Két hgp ca hai truong hgp ta c6 M = y va m = /3 la gia tri 16n nhat va gia tri nhé nhat cta bidu

1
thiac P. Vay M -m = 3T\/§

Chon dap an O
Cau 1768. Cho s6 phitc z théa man |z + 2 —i| — [z — 2 — 3i| = 2v/5. Tim gia tri nhé nhét ciia
|2l

A. |Z|min = \/5 B. |Z|min =
Lo giai.

/8

. C. |2|min = V13. D. |2|min = 2V/5.
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Goi M la diém biéu dién s6 phitc z, A(—2;1), B(2;3). y
Khi d6 |z+2—i| — |z — 2 —3i| = 2V/5 tuong duong MA— MB = 2./5. M

Do AB = 2v/5nén MA — MB = AB. Suy ra B nim gitta A va M. N B
Suy ra |2|min < OMyin < M trung véi B. |
Vay ’Z‘min =0B = V13. / . |
N
72 ’
Chon déap an @ O

Cau 1769. Cho s6 phiic z théa méan |22+ 4| = |2? + 2iz|. Tinh gia tri nh6 nhat cta P = |2 +1].

A. Py, =4 B. Puin = 3. C. Puin = 2. D. Puin = 1.
Loi giai.
Dat z=a+bi (a,b € R).
2= =2
|22 + 4] = |22 4+ 2iz| & |2 — 21| - [z + 2i| = |2| - |2 + 2] &
|z — 2i| = |z].

Truong hop 1: 2= —2i= P = |2+ = 1.

Trusng hop 2: |z — 2i| = |2| & b—1 = 0. Khi d6 tap hop cac diem M bicu dién z la dudng thang
d:y—1=0.Dodo6 P=|z+i| = MA véi A(0; —1). Suy ra Py, = d(A4,d) = 2.

Tt hai truong hop suy ra Py, = 1.

Chon dap an @ O

Cau 1770. Cho s6 phitc z thda man |22 — 2iz| = 2. Gi4 tri 16n nhat ctia biéu thic P = |iz + 1
bang
A 2. B. 3. C. V3. D. V2.
Loi giai.
Ta thay

|2% — 2iz| =2
& |#]]2* - 2iz| =2
& |(iz)? + 2iz| =2
& Jiz+1)P2-1]=2. (1)

Tit (1) ta thiy diém biéu dién ctia s6 phiic (iz + 1)? 1a duge dudng tron € (I;2) trong d6 1(1;0).
Mit khac, ta thiy P = |iz + 1| = P? = |iz + 1]> = |(iz + 1)?.

Ta thiy max P> = O] +2 =3 = max P = /3.

Chon dép an (C) O

Cau 1771. Cho hai s6 phtic zy, 29 thda méan |z; — 3i + 5| = 2 va |izg — 1 + 2| = 4. Tim gia tri 16n
nhit clia biéu thitc T' = |2iz, + 325].
A. 313 + 16. B. v313. C. V313 +38. D. /313 + 2V/5.

L&i giai.

Suu tam € bién soan Th.s Nguyén Chin Em 460 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

-
at

i
len]

|
e
[
Ne

—10

¥

Q
o
\U‘ﬂ\,/
o]
IS

A /%\—//
1)
27;21 =a+bi
Dat c+di »(a;be;d € R). Goi A(a;b), B(c;d) 1a cac diém biéu dién cta 2iz; va 2s.
9 — 3
a+ b

Ta co |z —3i+4] =2 <

I(—6;—10) ban kinh R = 4.
c+di

—3@'—1—5‘ =2¢ (a+6)°+ (b+10)° = 16 nen A € (I) ¢6 tam

lizg —142i| =4 < |i- =46 (c—6)2+(d—3)" =144 néen B € (J) ¢6 tam I(6;3)
ban kinh R’ = 12.

Do T = |2iz1 4+ 32| = |[(a — ¢) + (b — d)i] = \/(a—c)2+(b—d)2:AB.

Nen T <IJ+ R+ R =+/313+ 16.

Chondépén@ O

—14+2

Cau 1772. Xét s6 phitc 2z théa man |2+ 3 — 2i| + |z — 3 + 4| = 3v/5. Goi M, m lan lugt la hai gia
tri 16n nhit v nhé nhit ciia biéu thic P = |z + 2| + |z — 1 — 3i]. Tim M, m.

A M =V17T+V5m = 3V2. B. M = /26 +2v5;m = 3v2.
C. M =26+ 2V5m = 3V2. D. M =17+ V5;m = /3.
Loi giai.

Gia st 2 =  + yi, (v;y € R), diém biéu dién ctia z 1a M()x;y.
Cac diém A(—3;2), B(3; —1),C(—2;0), D(1;3), ta c6 AB =35
Ta c6 |24+ 3 —2i|+ |z —3+i =3V5& MA+ MB = AB < M thuoc doan AB.
Do d6 AM =tAB,t € [0;1] & = M (=3 + 6t;2 — 3t).
Ymr — 2 = —St
Ta c6

P=MC+MD = \/(=1460)2+ (2 —3)2 + \/(—4 + 6t)2 + (1 + 3t)?
= V4512 — 24t + 5 + V4512 — 42t + 17.

Xét ham s6 f(t) = V/45t2 — 24t + 5 + /4512 — 42t + 17, € [0; 1].

S(2) ()
. 45t — 12 45t — 21 15 15
Ta c6 f'(t) = + = - -
VA2 — 24t +5 V4512 — 42t + 17 45( 12)2 9 45(21 )2 36
t—=—=) +2 =) +2
45 +5 45 +5
12 21
ot Bt
Ta c6 f'(x) =0« T =g <:>t—3.
V5 V5
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max f(t) = V26 +2V/5

Do f(0) = V5 + V17, f(1) = V26 + 2v/5, f (%) W EOR 1
min f(t) = f (—) =3V2.
[0:1] 3

Chon dap an (C) .

Cau 1773. Xét cac s6 phiic z = a + bi(a,b € R) théa man |z + 2 — 3i| = 2¢/2. Tinh P = 2a + b khi
|z + 14 6i| + |z — 7 — 2i| dat gi& tri 16n nhat.

A P=3. B. P=-3. C.P=1. D P=T7.
Loi giai.
Goi M (a;b) 1a diém biéu dién ctia s6 phiic 2. Ta co |z +2 — 3i| = 2v/2 & (a +2)% + (b —3)? = 8.
Do d6 diém M thuoc dudng tron (C) c6 tam I(—2;) va ban kinh R = 2v/2.
Goi A(—1;—6) va B(7;2) lan lugt 1 cic diém biéu dién cho céac s6 phiic z; = —1 — 64; 20 = 7+ 2i va
E(3;—2) 1a trung diém clia doan thang AB.
Khi do6 ta co6

T=|z+1+6i+|z—7—2i| = MA+ MB < \/2(MA? + MB?).
Lai 4p dung cong thitc dudng trung tuyén trong tam gidc M AB nén ta c6
2(M A% + MB?) = 4ME? + AB? v6i AB = 8v/2 (khong déi).

Cho nén T 16n nhét khi va chi khi M E 16n nhat. Khi d6 M 14 mot trong hai giao diém ctia duong
thang I E véi duong tron (C).
Ta c6 IM = (a+2;b—3), 1E = (—5;5). Ba diém M, I, E thang hang nén suy ra

—5(a+2)=50b—-3) < a=—-b+1.

a=—4 a=0
Két hop v6i phuong trinh (a + 2)2 + (b — 3)? = 8 ta giai dugc { hoac {
b=5 b

a=—4
— Néu{ thi M = (—4;5) néen T'= M A+ MB = 2+/130.
b=5

. a=20

—Néu{ thi M = (0;1) nén T'= MA + M B = 2/50.
b=1

Vay dé T dat gia tri 16n nhat khi M = (—4;5). Do d6 P =2a+ b= —3.

Chon dap an (B) O

Cau 1774. Cho s6 phiic z théa man |z — 2 — 4i| = |z — 2i| v& biéu thiic |iz + 2 — 4| dat gia tri nho

nhat. Tim phan 4o ctia s6 phiic z.

A V2 B. _°. c. -3 D 2
5 5 5 5
Loi giai.

Goi z = a + i, (a,b € R) 1a s6 phiic théa man bai toan. Khi d6

2 =2 —di| =2 = 2| & \/(a—22+ (b—4)2 = /a2 + (b - 22 & a=4—b.
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Ta co

liz+2—1] =

(2—b)2+ (a— 1)2
(2 —b)2+ (3 —b)2
= V202 —10b + 13

T
v2
A

v

. 5 3
Déang thiic xay ra khi b = 5 va a = 3

. 2 3 5)
Do d6, gi4 tri nhé nhat cia iz +2 — i| Ia g Khia=2,b=".
3 5 N
Vay,z:§+§ivaphanéocﬁazlab:§.
Chon dap én@ O

Cau 1775. Cho hai s6 phiic 2z v& w = a + bi théa man ‘z—l—\/g‘ + ‘z—\/g‘ =6, 5a —4b — 20 = 0.

Gia tri nho nhat cta |z — wl 1a

3 4 3
A ——. B. —. C. —. D. —.
VA1 VA1 VAl 41

L&i giai.

Goi M la diém biéu dién sb phiic z.

Tt ‘z + ﬁ‘ + ‘z - ﬁ’ — 6 MF +MF, =6 v6i Fi(—V/5:0), Fy(v/5;0); FiFy = 2v/5 < 6.

Suy ra 2tap h2Qp cac diém M la duong E-lip

(E): %—k%:lvéia:&c:\/g, b2:a2—02:32—(\/5)2:22.

Goi N la diém biéu dién s6 phtic w. Dé thay tap hop cac diém N 1a duong thing d: 5z — 4y — 20 = 0.
C6 |z — w| = MN va |z — w| nhé nhat < M N ngin nhat.

(E) 1a hgp ctia hai do thi ham s6 (Cy): y = ;m va (Cq): y = —gm

Goi My(zo;y0) 1a tiép diém ctia tiép tuyén ciia (Cy) cting phuong véi dusng thang d, xo 1a nghiem

2 ) 45 16
ctia phuong trinh y/'(z¢) = k@) < L L AN Top=— = yp= —

3/9—x2 4 17 17
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45 16
5.2 4. (—2) =20
V4l
Va min MN = d[My, d] = 17 17 _3 :
52 4 (—4)? 41

Chon dap an @ 0

Cau 1776. Xét s6 phiic z thdéa man |iz — 2i — 2| — |z + 1 — 3i] = v/34. Tim gia tri nh6 nhat cta
biéu thitc P = |(1 — i)z + 1 +1|.

v/ 34 13
A. mnP=——. B. min P = +v/17. C. min P = v/34. D minP=—.
2 V17
Loi giai.
Ta co

iz —2i—2| — |z +1—3i| = V34

2
s il z—2——,'—|z+1—3i|:\/34
1

S z—242—|z+1-3i=v34 (1)

Goi M (z;y) 1a diém biéu dién s6 phic 2.
Chon A(2;—2), B(—1;3), tit (1) suy ra MA— MB = /34 = AB.
Nhu vay diém M thuoc tia déi clia tia BA.

141

Z+1—z’

Taco P=|(1—i)z+1+i=|1—i-
Chon C(0; —1), suy ra P = V2-CM.
Nhu vay biéu thitc P nhé nhat khi va chi khi C'M nhé nhat, khi d6 M tring véi diém B.
Suy ra z = —1 4 3i, khi d6 min P = |(1 —4)(—1 + 3i) + 1 +i| = v/34.

= V2|2 +i| = V2y/a? + (y + 1)2.

Chon dap én@ O
Cau 1777. Goi mg 1a gia tri nho nhat cta |2 — |, v6i m 1a s6 thyc. Ménh dé nao dudi day
m—1
ding?
10 7 10 79 9 11
Loi giai.
) 1 2(m—id)—1] 2m—1-2i] /(2m—1)2+4 4m? —4m +5
Ta co: |2 — | = ' = ' = — _
m— i m—1i |m — i vm2 41 m? + 1
. A4m? — 4 5)
Xét ham so6 f(m) = m 5 mT trén tap xac dinh 2 = R:
m*+ 1
1+ V17
4m? —2m — 4 m="y
Ta c6: f'(m) = i fflm)=0&
m=———.
4

Gi6i han: lim f(m) =4.

m—too

Bang bién thien
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m | —oo 1—V17 14+ V17 oo

4 4

f'(m) + 0 — 0 +

153 + 9/17 1

34 /

f(m) ~

/ 153 — 917
4 34
o e o 153 — 917 153 — 917 10 7
Dua vao bang bién thién ta co r%lé%f(m) =~ = mi = — c <§7 5)

Chon dap an @

Cau 1778. Xét cac sd phic z

O

a+ bi (a,b € R) théa man |z — 4i| = 1. Khi bieu thic P =

2|z 4+ 2 — 1| + |z — 8 — 7| dat gi& tri 16n nhat, gid tri ciia a — b bang
A. 5. B. 6. C. —5.
Lai gii.

D. -3.

Tap hop cac diém biéu dién ctia s6 phitc 2z 1a dudng tron (C) c¢6 tam 1(0;4) ban kinh R = 1.

Goi A(—2;1), B(8;1). Bai toan dua vé yéu cau tim diém M thuoc (C') sao cho P = 2M A+ M B nho
nhat.

Ta c6 P2 = (2MA + MB)? < 2(4MA? + MB?).

Goi C la diém trén canh AB sao cho 4CA + CB = 0. Ta 6 C(0;1).

Ta co:
P? < 2(4MA? + MB?) = 2 [A(CA — CM)? + (CB — CM?]

= 2[4(AC? —2CA - CM + CM?) + CB* — 2B - CM + CM?]

=2 | (1AC? + CB?) +5CM* — 2CM - (4CA + CB)
v
= 2[80 + 5CM?] < 2(5DC?* + 80) = 320

v6i D 1a giao diém ctia IC' v6i duong tron tam I nhu hinh vé.

Yy
D
M1
A C B
-2 O 8T

Ta c6 D(0;5).
Vay Prax = V320 = 8v/5 khi M = D.
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a=20
Suy ra =a—b=-b.
b=5

Luu y:
— Diém C nhu cach dit & trén duge goi la tam ti cu ctia hé hai diem A, B véi tis6 4 : 1;
— D& cho cac diém A, B, I 1a cac diém dic biet nén méi giai quyét duge bing hinh hoc. Trudng
hop téng quat thi khong giai quyét duge bang cach nay.
Chon dép an (C) O
{ m+ 1

Cau 1779. Gia tri 16n nhat M cta |— + i| thuoc khoang nao sau day?
mi—1 m2+1

A. (0;1). B. <0;§>. C. (é;1>. D. (—-1;0).

3 3
Loi giai.
i m+1 i(—mi—1) m+1 . m m m
Ta co6 = = = V2.
4 mi—1+m2+1l' m? + 1 +7712—1-11‘ ‘m2+1+m2+12‘ 'm2+1‘ V2
1
Talaicom?+1>2vVm? 1=2Jm|= |——| < -
m2+1] 7 2
) 1 2
Do ds |1+ ML V2
mi—1 m2+1 2
Chon dap &n (A) O

Cau 1780. Xét cac s phiic z = a + bi, (a,b € R) théa man |z — 2 — 44| = 2. Tim gi4 tri 16n nhat
ctia biéu thic 2|z — 1 — 5i| + 3]z — 3 — 3i].
A. 156. B. 21/39. C. v/39. D. 39.
Loi giai.
bat P=2|z—1—5i| + 3|z —3 —3i|. Ta co
P2 < (2243)(|z —1-5i* + |z — 3 - 3i]?)

= 13(|z—-2-4i+(1—)P+]z—-2—4i—(1—19)]*

= 26(]z — 2 —4i]* + |1 —i|?)

= 156.

Suy ra P < 21/39.
lz—1-5i] 2-3-3 481—91\/ﬁ+119—7\/2_32,
2 B 338 26
Chon dap an (B) O

iy Chéng han z =

Dau bang xay ra khi

Cau 1781. Goi M la gia tri 16n nhat cta — 1, v6i m 1a sb thie. Gia tri M? gan véi sé nao

m —1

nhat trong cac s6 dudi day?
A. 262 B. 2,64. C. 1,62. D. 1,64.

Loi gidi.

Ta c6 ml_i _1‘ _ \1’;1@;1—’“ _ \/(}/;LQLL—I—l _ m2T;22_T1+2 _ /1+%'
1—-2m

Xét f(m) = mQ—ZFl'

f'im)=0< 2W(Lm;—2kﬂz);2 =0 m= 1+2\/5 hodc m = ! _2\/5.

Bang bién thien
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m | —oo -5 L++/5 +00
> >
F/(m) + 0 - 0 o+
1+5 0
f(m) 2 /
o/ T~
Do dé M = 1+1+2\/52>M2:3+2\/5z2,62.

Chon déap an @ OJ

Cau 1782. Xét s6 phitc z = a + bi (a,b € R) thda man |2z + 2 — 3i| = 1. Khi biéu thiic
2|z + 2| + |z — 3| dat gia tri 16n nhét, gia tri ctia a - b bang

A. 3. B. 2. C. -3. D. 2.
Loi giai.
Taco|224+2-3i|=1< 'z+1—§i :1<:>(a+1)2+<b—§)2:1.
2 2 2 4
2(a+1) =sina azlsina—l

Dit 3 = ;
2<b—§>:cosa b:§cosa+§.

Ta cb

21z+2|+| 3| 2 (1 i +1>2+<1 +3)2+ (1 i 4>2+(1 +3>2
ya zZ — = — S1N ¢ — COS (¥ — —Sino — — COS (¥ —
2 2 2 2 2 2

7 3 37 3
= 2\/§sina+§cosa+ \/? —4sina+§cosoz 34\/5.

Dau“="xdyrakhia=0=a=—-1va b= 2.

Vay a-b= —2.
Chon déap an @ OJ
Cau 1783. Goi M la gia tri 16n nhat cta -+ |, v6i m 1a sd thyc. Ménh dé nao dudi day
m—1
diang?
3 11 3 39 2 3
A M <—; —) B. M (0; —). C. M (—; —). D. M (—; —>.
23 <3 “\2'3 “\3'3
Loi giai.
. ‘ m-i+2 Im? + 4
Ta co i = | ———| = 5
m—1 m—1 m*+1

fm*+4 1 m*>+1  —6m
Xét ham so f(m) = 21 tap xac dinh 1a R va ¢6 f'(m) = N 1

= f'(m)=0=—6m=0=m=0.

Ta c6 bang bién thién

z —00 0 +00
Y + 0 —
2
1 1
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—1

3 11
. laM:2suyraM€(—;—).
m—1 2" 5

Chon déap an @ O

Vay gid tri 16n nhat cta

Cau 1784. Goi n la s6 cac s6 phitc z dong thsi thoa man |iz + 1 + 2i| = 3 va biéu thic T =
2|z + 5 + 2i| + 3|z — 3i| dat gia tri 16n nhat. Goi M 1a gia tri 16n nhat ctia T. Gia tri ctia tich M -n
la
A. 10V21. B. 61/13. C. 5v/21. D. 2V/13.
Loi giai.
Dat 2 = 2 + yi, (r,y € R). Khi d6 N(z;y) la diém biéu dién s phiic z.
T gid thiét, iz +1+2i| =3 & [z +2—i| =3 (2 +2)*+ (y—1)? =0.
Ta c6 T = 2|z + 5+ 2i| + 3|z — 3i| =2NA + 3N B véi A(—5;—2) va B(0;3).
Nhan xét ring véi I 1a diém théa man 2IA+3IB=0 suy ra I(—2;1) va cing la tam dudng tron
biéu dién céc s6 phiic z nén NI = 3.
Tit d6 ta c6 2N A? + 3NB? =2 (NT + IA)" +3 (NI + IB) = 5NI? 4 214? 4 31B? = 105.
Ma T? = (vV2-V2NA ++/3-V3NB)? < 5(2NA? + 3NB?) = 525 hay T < 5v/21.
Déng thtc x4y ra khi N la giao clia duong trung truc doan AB vé6i duong tron tam I, ban kinh
R =3.
Vayn:2VaM-n:1()\/ﬁ.
Chon dap an (A) O

Cau 1785. Cho sb phiic z thdéa méan |z — 4 + 3i|—|z + 4 + 3i| = 10 v |z — 3 — 4i| nh6 nhat. Mo-dun

clia s6 phiic z bang

A. 6. B. 7 C. 5. D. 8.
Lo gidi.
Gia sit s6 phtic z = a + bi vA M (a;b) 1a diém bicu dién ctia s6 phiic z trong mit phang Ozy.
Theo gi& thiét ta c6 \/(a —4)2+ (b+3)2 — y/(a +4)2 + (b — 3)? = 10. (1)
Lay cac diém A(4; —3), B(—4;3) va C(3;4), khi dé ta c6 Y
MA — MB = AB hay AM = AB + BM. Suy ra, diém
M nam trén duong thang AB sao cho B nam gitta A va M N ———

1D |92

M. Xét tam gidgc ABC dé 6 CBA < 90° (quan sat hinh
vé bén). Do d6, xét tam giac CBM thi CM > C'B. Suy

Qo

ra, dé MC nho nhat thi M = B hay M(—4;3). Suy ra, =3 4
mo-dun clia 6 phitc z can tim 1a |z| = /32 +42 = 5. 1) \ T

3 A
Chon dap an @ O

Cau 1786. Cho s6 phiic z thda man |z — 1| < |z — 3i|. Tim mo-dun ctia s6 phtic 2 sao cho biéu thiic
P =|z—3-9i| + |z — 7 — 8i| dat gia tri nho nhat.
Vo4l V446 562 466

A 2] = =, B. |+ = *5—. C. |2 = 2= D. |z = *5=,

Loi giai.
Goiz=ax+4yitaco|z—1|<|z2-3i|l e (z—1)*+y* <2+ (y—3)? &2z —3y+4 > 0. Diem M

bié¢u dién s6 phtic z 1a mién dugc cho nhu hinh vé (phan gach soc)
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Ngoai ra goi A(3;9) va B(7;8) lan lugt 1a diém biéu dién cac s6 phitc 3 + 97 va 7 + 8. Liic nay ta c6
P=MA+ MB.

Goi N 1a hinh chiéu clia M len duong théng d: = — 3y + 4 = 0. Ta thdy ANM va BNM 1a céc goc
tiinen MA> NAva MB > NB, hay P> NA + NB.

Do A va B nam ciing phia so véi d nén dé tim gia tri nhé nhat ciia P ta goi A’ 1a diém déi xiing ctia
A qua d. Ta tim dugc toa do A’ 1a (7; —3). Cudi cung ta c6

P>NA+NB=NA+NB > A'B.

Dau bing xay ra khi N, A’, B thang hang < N la giao diém ciia d va A'B.
Phuong trinh duong thang A'B 1a z = 7.

x="7 r =1
Do dé toa do N la nghiém hé & 11 -
r—3y+4=0 Y

3
) . / 11\* /562
Vay mo-dun ctia sO phiic can tim 1a |z| = 4/ 7% + (§> =3

Chon dap an @ O

Cau 1787. Cho céc sb phiic 21, 23, 2 théa man |27 —4 — 5i| = |z — 1| = 1 va
Tinh M = |z — 25| khi P = |z — 21| + |z — 22| dat gi& tri nho nhat.

Z 4 4i] = |2 — 8 + 4.

A. 6. B. VA41. C. 21/5. D. 8.

L&i giai.
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Gidstz=z+yi (r,y€R). Taco y
|Z + 4i] = |z — 8 + 4i]
& |z —yi+4di| = |z +yi — 8+ 4i TR\
& ¥+ (@d-y’ =87+ (y+4) ¢
&S r—y—4=0.
Goi I la diém biéu dién sé phtc z;, K la diém bicu dién s6
phiic 2o, H la diém biéu dién s6 phic 2. > :
Theo gia thuyét, I chay trén duong tron tam (0;1), ban kinh
1. K chay trén duong tron tam (4;5), ban kinh 1. H chay !
tren duong thang x —y — 4 = 0.
Khido P=|z— 2|+ |2 — 2| =HI+ HK. »

Lay I’ 1a diém déi xing ctia I qua duong thing © —y — 4 = 0, khi d6 I’ chay trén dudng tron tam
(4; —3), ban kinh 1.
Taco P=HI+HK=HI'"+ HK > CD (v6i C, D dugc xac dinh nhu hinh bén).
Dau “=" xay rakhi ] = D', K = C. Khi d6 P = CD' = 2/5.
Chon déap an @ O
Cau 1788. Cho s6 phtic z théa méan |z| = 1. Goi My, 1a gid tri 16n nhat va My, 1a gia tri nho
nhit ctia biéu thitc M = |22+ 2 + 1| + |23 + 1|. Tinh P = Mpax + Muin.

A. P=28. B. P=5. C.P=T1. D. P=6.
Lo giai.
Goi z =2z 4+ yi véi x,y € R.

Vi|zl]=1nénsuyraz-z=1vaz?+y*=1.

M=|2+z+1+ |2 +1 =2 +z2+22|+|z+1)(Z* —2+1)|
=zl |2+ 142+ 22 N4+ |z =142 =z +1+Z|+[1+Z|- |2 — 1+ 7|
=2z 4+ 1|+ |1 +x—yi|- |20 — 1] = |22 + 1| + |22 — 1|V2 + 2z.

Viz?+y?=1nén —1 <z < 1. Ta xét ham s6 y = |22 + 1| + |22 — 1]/2 + 22 trén doan [—1;1].
Xét cac truong hop sau:
. 1
— Neu —1<x<—§ thiy = =22 — 1+ (1 — 22)v/2 + 2.
1—2x

Ta c6 Y = ——= — 22 + 22 — 2.
Y V24 2x
Bang bién thién
T —1 _l _ _Vlo _1
18 9 2
y + 0 -
20410 — 2
1 2
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. 1 1
—Néu—§<x<ithiy:2x+1+(1—2x)\/2+2x.

1—-2x
Ta 6y = ——— — 2v/2 + 22 + 2.
v V242
Bang bién thién
x —1 _1 + _‘10 l
2 18 9 2
Y + 0 -
2+ 2010
2 2
.1
— Néu 5 <r<lthhy=2r+14+ (22 —1)v2+ 2z
1—-2zx
Ta ¢y = ——— +2v2+ 22+ 2.
v V242
Bang bién thién
1
T — 1
2
Yy +
5
y ////////////
2
Két hop ca ba truong hop ta dude M, = 1 va My = 5. Vay P = 6.
Chon dap an @ O

Cau 1789. Cho s6 phiic z théa méan |z — 3 + 3i| = 2. Gi4 tri 16n nhét cta |z — 4| 1a
A T. B. 9. C. 6. D. 8.
Loi giai.

Ta cb

2 —i| = (2 —3+3i)+ (3—4i)| < |+ —3+3i| +|3—4i| =2+5=T.

S z2—3+3h=t3—-4), (t>0 2 21 23
Dau bang xay ra khi ( b ):>t:—:>z:———z'.
2 — 3 — 3i] =2 5 5 5
Vay gia tri 16n nhét cta |z — 4| 1a 7.
Chon dap an (A) O

Cau 1790. Cho hai s6 phtic 21, 29 théa man |z; — 2+ 3i| = 2 va [z — 1 — 2i| = 1. Tim gi4 tri 16n

nhat clia P = |21 — 2.
A. P=6. B. P=3. C. P=6-—+2. D. P=3++2.

L&i giai.
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T gid thiét [z — 1 —2i| =1 < |20 — 14+ 2i| = 1. N
Goi A(2;—3), B(1;—2) va M, N lan lugt 1a diém biéu dién s6 phitc 2y, 2
trén mat phang (Oxy).
Khi d6 ta ¢c6 M thudc duong tron tam A ban kinh Ry = 2
N thuéc duong tron tam B ban kinh Ry =1 va P = MN.
Do d6 M N dat gia tri 16n nhat khi MN = AB+ Ry + Ry = 3+ V2.
M

Chon dap an @ O
Cau 1791. Cho zj, 2, 23 1 ba s6 phiic thay do6i thdéa man |z;]| = 2, |z3] = 1, 25 = 2;23. Trong mat
phang phtic hai diem A, B lan lugt bicu dién z; va 2. Gia st O, A, B lap thanh tam giac c6 dién
tich 1& a, chu vi la b. Gi4 tri 16n nhat cta biéu thic T = a + b 1a

A. 6+2V2. B. 6 +2/3. C. 4+2V3. D. 4+ 3V/3.
Loi giai.
Ta c6 |23 = |2123] = 2 nén A, B cing thuoc dusng tron tam O ban kinh 2.

)

A H B

1
bat AB =2x (0<x<2),tacc’)a:§OH-AB:x\/4—x2,b:2x+4vaT:x\/4—x2—l—2x+4.

2
Xéthémséf(x):x\/4—x2+2x+4(O<:c<2),tacéf’(x):—\/%+\/4—x2+2va
— X

f'(x) =0e z=3.

Suy ra max f(z) = f(v/3) = 4+ 3v/3. Vay maxT = 4 + 3/3.
Chon déap an @ O

Cau 1792. Cho cac s6 phiic z1, 2o théa man |z;] = 1 va Z3(22 — 1 + ) — 6i + 2 14 mot s6 thye. Tim
gia tri nhé nhat cia biéu thic P = |22|2 — (2172 + Z122).
A. 18 — 9V2. B. 18 — 6v/2. C.3-2. D. 18 + 6v/2.
Lo giai.
Goi z1 =x + yi, 2o = a+ bi(x,y,a,b € R). Ta co:

2| =1e 2> +92 = 1.
va

Z2(z0 —14+i) —6i+2 = (a—bi)(a+bi—1+i)—6i+2
= (@®+bV—a+b+2)+(a+b—6)i

ViZzg(ze —1+41i)—6i+21as6thycnén a+b—6=0< a+b=6. Khido

P=a*>+b —[(x+yi)(a—bi)+ (v —yi)(a+bi)] = a® + b — 2(azx + by).
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Ap dung bat ding thic B.C.S ta c6:

ax + by < \/(a2+b2)(x2+y2)=va2+b2
= P>a2+bz—2\/a2+b2:\/a2+b2<\/a2+b2—2>.

Mat khac

2(a% + %) > (a+b)?=36=a® + 1> > 18 > P > VI3 (VI8 - 2) = 18 — 6v2.

Vay Puin = 18 — 64/2 khi

Chon dap an O

Cau 1793. Ki hicu A la tap hop céc s6 phiic z dong thoi théa man hai diéu kien |z — 1| = v/34 va
|z + 1+ mi| = |z +m + 2i| (trong d6 m € R). Goi z;, 29 1a hai s6 phitc thuoc tap hgp A sao cho
|21 — 2| 1& 16n nhat. Khi d6 hay tinh gid tri clia |21 + 2o].

A. |z + 2z = 10. B. |21+ %] =2. C. |21+ 2| = V2. D. |21 + 2| = V/130.
Loi giai.
Goi diém M (z;y) biéu dién s6 phiic z.
lz—1=V34 e (z—1)2+y>=0. (O)

lz+1+mi|l=|z4+m+2i| e (@+1)*+ @y +m)?=(x+m)+ (y+2)>
< 2m—1zx+2(2—-m)y+3=0. (A)

Tap hop A 1a tap cic giao diém clia dudng tron (C') va duong thang (A).
(C) c6 tam I(1;0), ban kinh R = v/34.

: / 2(m — 1
Diéu kien d cit (C) W Al d(1,A) < R & 20n — 1) +3]

VE2(m—1DP +[2(2 - m)]

Goi E, F la hai diém biéu dién zy, 2, suy ra |21 — 23| = EF.

=< V34 (%)

|21 — 23| 12 16n nhat khi EF 1a duong kinh ctia duong tron (C) hay A di qua tam I suy ra m = —%
thoa man ().

Ta ¢6 |21 + 20| = (FE’JF (ﬁ" — )20_1’) — 9.

Chon dap an O

Cau 1794. Cho s6 phiic z = x4+ 2yi (z; y € R) thoa |z| = 1. Tinh tong gid tri 16n nhat va nho nhat

cua P=x —uy.

A. /5. B. 0. C. V5

R D. -5
Lo gidi.

11
Taco |z| =122 +4y° =1z =+/1 — 4y? <x€ [—1;1],y € {__._])

272
— Truong hop x = /1 — 4y*:
—4
Taco P=/T—dy? —y, Pl=—2 1 P=0cy=—

1
V1 — dy? V20
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y | ! 1 1
2 V20 2
P + 0 -
V5
2 2
— Truong hop z = —/1 — 4y>:
4y 1
Taco P=—\/1-4y?—y, PP=———-1, P=0y=——.
vy V1 — 4y? Y V20
Y 1 1 1
2 V20 2
P’ 0

- +
1
2

Khi d6 max P = \/75, min P = _T\/g
Vay tong gié tri 16n nhat va nhé nhét cta P 1a 0.
Chon dap an O

Cau 1795. Xét hai s6 phiic 21, 2 thay ddi thda man |z, — 2| = |21 + 20 +4 — 2i| = 2. Goi A, B lan
lugt 1a gia tri nho nhat va gia tri 16n nhat clia biéu thite |21]? + |2/ Gia tri cia A- B la
A. 110. B. 116. C. 112. D. 114.
Loi giai.
Ta co

|Zl+22’2 |Z1 —22’2
2 2

1
= 5‘21+22|2+2

212 + |22|? =

1
= 5|z—(4—2z)|2+2 VOi 2 = 2 + 2 + 4 — 2.

Mat khac

— 2= (4-2)| <|z| +]|4—-2i| =2+2V5 = B =14+ 45.

— |z —(4—=2)| > ||]z| - |4 —2i|]| =2V5 -2 = A =14 — 4/5.

Vay A- B = (14 — 4/5)(14 + 4/5) = 116.

Chondépén O

Cau 1796. Trong céc s6 phiic z thda man |z + 4 — 3i| + |z — 8 — 5i| = 2¢/38. Tim gi4 tri nho nhat

clia |z — 2 — 44|

A. 1 B. ? C. 2. D. 1.
2 2
Loi giai.
bat z = x + yi, M(z;y).
= VT AP T 537+ /9P 4 (s 5P =238 )

Fi(—4;3); F»(8;5).
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a=v38

0 MF, + MF, = 2/38 M € (Elip) -
= = S 1p): c=V
i Fy =237 b1

44 3i) + (84 5i
Mt khac 2+ 4i = A+ Z>2+( 50 _, (2:4) I tam cita (Elip).

Vay |z —2 —4i| ,, = b=1. (do dai truc nhd)
Chon dap an @ 0

) . : 2019 " )
Cau 1797. Cho z la s6 phtic théa man dang thic |z +i| = m + (—) — 2, v6i m la sd thuc
m

duong. Biét rang tap hgp diém biéu dién ctia s6 phitc w = (3 + 4i)z + 26 + 7i 1a duong tron. Goi Ry

13 ban kinh nhé nhat ctia duong tron tng véi gia tri mg. Hé thic nao sau day 1a daung?

2019R, 2018Ry C 2019R, 2019R,
" 2018my ©2019mg " 2018mg " 2018my
Loi giai.

Trude hét, ta thay

il +<2019>2019 ) moom (2019)2‘”9 )
m 2019 2019 m
2019 sb
> 2020 2% <ﬂ> (—) _ 92— 92018.
= 2020 \/ 2019 m 018

Mat khéc, tur gid thiét, ta c6 w = (3 + 44)(z +4) + 30 + 4é = |w — 30 — 4i| = 5|z + 4| > 5.2018,
dau bang xdy ra khi va chi chi m = mg = 2019, lic d6 dudng tron c6 Ry = 5.2018 véi tam 1(30;4)
2019R,

~ 2018mg
Chon dép an (B) O

Cau 1798. Cho s6 phiic z va w théa man z +w = 3+ 4i va |z — w| = 9. Tim gia tri 16n nhét cta
biéu thitc T = || + |w|.

A. maxT = /176. B. maxT = 4. C. maxT = 14. D. maxT = 106.
Loi giai.
Goi A, B lan lugt la diém biéu dién ctia s6 phiic z, w.
Khi d6 ta c6 OA + OB = (3;4), |OA — OB| =9 va T = OA + OB. Ma

106 = (OA + OB)? + (OA — OB)? = 2(0A% + OB?) > (OA+ OB)?> = T? = T < v/106.

Chon dap an @ O

Cau 1799. Cho s6 phtic z théa man |z| = 1. Tinh M 1a gia tri 16n nhat cta

T=1+z+]|1-z+42%.

1 1
A.M:;. B.M:ZS. C. M =+/3. D. M =3.

Loi giai.

Goi z =z +yi, (r,y ER). Taco |l —z+ 2% = |20 — 1| va [1 + 2| = /2(z + 1).
Khi dé T = /2(z + 1) + |22 — 1| = g(2).

+ Xét x € B;l],tacég(a:):\/W—i-Za:—l.
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L —— 5 1}
V2 + 22 2’

. 1
= ¢g(x) 1a ham so tang trén [5, 1] = max g(z) = g(1) = 3.

B

4+2>0,Vx €

Ham s6 y = g(z) lién tuc trén [—1;

7) 13 <1>
9(-1) 379<8 913 V3
N (2) 13
max ¢(x) = —.
07 4
)
1 1
MaZ3>3néanzg.
Chon dap an O
. 2—1
Cau 1800. Cho so phtic z thoa ‘% = /2. Tim |2|min-
Z — 1
A |2lmin =3 —v10.  B. |zlmin =5—v10.  C. [2|min = =3+ v10. D. |z|mim = 3 + /10.

Loi gidi.
bat z =z +yi (z,y € R), ta co

z+2—1

T | =V2 ez 2—d=V2FE+ 1
zZ+1—1

e (z+2)+ (y—1)i| =V2|(x+1) — (y + 1)i]
S @+2+y—1)2=2@+1)2+2y+1)°
sa? 4yt —6y—1=0.

Suy ra tap hop cac diém biéu dién s phitc z 14 dudong tron tam 7(0;3), ban kinh R = /10.
Vay |z|min = |OI — R| = |3 — V10| = V10 — 3.
Chon déap an @ OJ
Cau 1801. Goi z = z + yi (z,y € R) la s6 phiic théa man didu kien |z — 1° + [z + 1> = 20 va
|z + 2+ i| dat gia tri 16n nhat. Tinh tich zy.

1

15 18 18
A. = —. B. =——. . =——. D. zy=—.
TY = 5 xy 5 C. zy 3 xy :
Loi giai.
Ta co

2= 1P+ 2+1=20 & (@—-1)2+*+@@+1)2+32=20
& 2yt =9
Nhu vay, diém M biéu dién sb phtic 2 thuoe dudng tron (C) tam O, ban kinh R = 3. Goi A(—2; —1)

la diém biéu dién s6 phitc —2 — i. Khi d6 OA = /5 < 3 nén diém A nim trong dudng tron tam O
. 1 .
ban kinh R = 3. Duong thang OA c¢6 phuong trinh y = 5% nén toa do giao diem cia OA véi duong
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tron (C') la nghiém hé phuong trinh:

6 6
2 2 - -

r+y =9 r= L=
1 & \/ghoac V5
_ 2t 3 3
y—Qx y=— y=——:.
NG V5

Ta co

|2 +2+i =AM < OA+ R =V5+3.

Dau dang thiic x4y ra khi va chi khi diém M la giao diém ctia tia doi tia OA v6i duong tron (C).

SuyraM( 3)

\/_ \/_
Khi d6 zy = —_— =
=TS
Chon dap an @
~ 2 A . 2 ~ 3 \/m . ~ X \ 2,2 ~ N -
Cau 1802. Xét so phiic z théa man (1+ 2i)|z| = —— — 2+44. Ménh de nao duéi day la dung?
z
1 3 3 1
A.§<|z|<§. B.§<|z|<2. C. |z| > 2. D. |z|<§.
Loi gidi.
: v 10 _ . V10
(14 2i)|z| :7—2+Z<:>\z|+2+(2|z|—1)2:—:> l|z| +2+ (2]z] — 1)1
V10 10
VN \/(|z| + 22+ (22| — 1) = =< (]2] + 2 + (22| = 1)* = — 51z 4+ 5|22 =10 =0

2]
1 3
Suy ra |z| = 1. Vay = < |z| < =.
2 2
Chon dap an @

Cau 1803. Cho cac sb phiic 2; = 1, 20 = 2 — 3i va s6 phitic 2z thda man

|z —1—i|+|z—3+i =2V2

Goi M,m lan lugt la gia tri 16n nhat, gia tri nhé nhat ctia P = |z — 21| + |z — 2|. Tinh tong

S=M-+m.
=10+ 2V/5 . B. S=1+V10+17.
C.S=5—-17. D. S=5+V17.
Loi giai.

Goi A(1;0), B(2; —3) lan lugt 1 diém biéu dién ctia s6 phiic 21, 2.

Va 2z = x + yi v E(x;y) 1a diém biéu dién s phiic z.

Suyra P=|z— 2|+ |z —2|=FA+ EB.

Mat khac:

lz—1—i|+|z=3+i|=2V2& /(z—1)2+ D2+ /(x =32+ (y+1)2=2vV2 ().
Goi C(1;1), D(3; —1) thi (%) cho ta EC + ED = 2\/_ = CD = E thudc doan thing CD.
Phuong trinh dudng thing CD: z +y — 2 =0 véi x € [1;3].

Dé thay A, B nam cuing phia v6i duong thang C'D nén goi A’ 1a diém déi xting ctia A qua CD.
Tim dudc toa do diém A’(2;1).
Tac6 FA+ EB=FEA + EB > A'B = 4. Do d6 min P = 4 dau “=" x3y ra khi x = 2.
Va P dat gia tri 16n nhat khi £ tring véi C hodc D.
Ta thiy CA+CB > DA+ DB = maxP =CA+CB =1+ +/17.
M =1+V17
Vay{ nen S =M +m =5+ V17,

m =4
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Chon déap an @ OJ
. , . 2—1 L
Cau 1804. Cho so phiic z thoa méan dieu kién % = /2. Tim gia tri 16n nhat ctia P = |z|.
Z —1
A. P=3+v10. B. P=-3—+v10. C. P=-3++V10. D. P=3-—+/10.

Lo gidi.
Gia st s6 phtic z = z +yi v6i 7,y € R va M (z;y) la diém biéu dién s6 phiic z. Ta c6 P = /22 + 32,
Do gia thiét

z24+2—1
z+1—1

z2+2—1 . _ .
=ﬁ®m=\/§@|z+2—z|:\/§-|z+l—z| (*)

Maz+2—i=zx+yi+2—i=(r+2)+@y—1livaz+l—i=c—yi+1l—i=(x+1)—(y+1)i.
T (%) suy ra

Va+2P+ -1 =v2-Ja+1) + (y+1)
& @+2’+@w-1"=2 (@+1°+(y+1)7°)
& PHdr+a+y’ -2y +1=2- (2P +20+ 1+  +2y+1)
o 24y 40y—1=0 22+ (y+3)> =10 (%)

Gia stt I, R lan lugt 1a tam va ban kinh dudng tron ¢6 phuong trinh (xx) khi d6 toa do 1(0; —3) va
R =+/10.

D@ thay diém M thuoc duong tron c6 phuong trinh (xx). Ma OI = 3 va IM = /10 suy ra diém O
nam trong duong tron.

Mat khac OM < IM + OI < OM < 3 + /10 dau déng thic x4y ra khi I ndm trong doan OM.
Vay maxOM = 3 + V10 hay max P = 3 + V10.

Chon dap an @ O
Cau 1805. V6i cac s6 phiic 2z théa man |iz + 4 — 3i| = 1. Tim gia tri 16n nhat cla |z|.

A. 6. B. 4. C. 5. D. 7.
Loi giai.

bat z=a2+yi=2=2—y.
Ta co:
iz +4—3i| =1

elile —yi) +4—-3i| =1
Slir+y+4-3i =1
S|y +4)+ (x—3)i| =1
e/(y+4)2+(x-3)2=1
S@-3)°+y+4)>*=1

Do dé6, tap hop cac diém biéu dién ctia s6 phiic 2 1a duong tron (C): (z — 3)% + (y +4)? = 1;
(C) ¢6 tam I(3; —4) va ¢6 ban kinh R = 1.
Goi A la duong thang di qua hai diém O va I.

A ¢6 véc-to chi phuong la Ol = (3; —4). Phuong trinh tham s6 ctia A la:
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Goi M la giao diém ctia (C) va A.
M e A = M(3t;4t);

6 18 —24
=57 1<? 5 >:>|Z’:6
Me(C)e Bt—32+(—4t+4)?’ =1« A 2 16

Vay |2|max = 6.

Cach 2: Dé |z] 16n nhat thi |z| = OI + R, v6i O la gbc toa do, I la tam duong tron va R 1a ban
kinh cta duong tron.

Vay maz|z| = /32 + (—4)2+ 1 = 6.

Chon dap an @ O

Cau 1806. Cho z,w € C théa méan |z + 3 + 2i| = V/5, |w + 5 + 6i| = 2v/5. Biét |z + w| dat gid tri
nhé nhat tai z = a + bi,w = c+ di, v6i a,b,c,d € R. Tinh T' = ac + bd + a* + b>.

A. 9. B. -1 C. 5. D. 13.
Lo gidi.
Vi [Z+342i| = v/5 nén tap hop céc s6 z 1a duong tron (C1): (z+3)% 4 (y—2)? = 5 ¢6 tam I;(—3;2),
ban kinh Ry = /5.
Vi |w 4 5 + 6i| = 2v/5 nén tap hop cac s6 —w la dudng tron (Cy): (z — 5)? + (y — 6)? = 20 c6 tam
I,(5;6), ban kinh Ry = 2+/5.
Khi d6 |z + w| = |z — (—w)| = AB véi A € (C4), B € (Cs).
Ta c6 11y = /64 + 16 = 4v/5 > Ry + R, nén hai dudng tron (Cy), (Cs) & vi trf ngoai nhau.

B r=—-3+2t
Phuong trinh tham s6 I1/5: ().
y=2+t

Thay (%) vao phuong trinh duong tron (C4) ta dugc
A+ =5t =+l

Do dé I,1, cit dudng tron (Cy) tai hai diem A;(—1;3) va As(—5;1).
Thay (%) vao phuong trinh duong tron (Cy) ta duge

(=8 +2t)* + (=4 +1)* =20 < 5t — 40t + 60 = 0 &
t=2.

Do d6 I, I, cit duong tron (Cy) tai hai diém B;(9;8) vi By(1;4).

Tinh duge A By = V125, A1 By, = /5, Ay By = /245, Ay By = 1/45.

Suy ra |z +w| = AB dat gia tri nh6 nhat khi A= Ay, B= By, ticlaz=—-1+3iva —w =1+4i =
w=—1—4i.

Vay T =ac+bd+a?+b?=1—-12+1+9=—1.

Chon déap an O
) , |2+ 2i| <2v/5 o £ ,
Cau 1807. Cho so phtic z théa man . Tim gié tri l6n nhat cia T = |z+1—44|.
|z — 4i] < 2V2
A. 3V5. B. 3v2. C. V5+v2. D. 6.
Loi giai.
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bat z =a+ bi v6i a,b € R. Ta ¢6

T=z+1—4i] = \/(a+1)2+ (b+4)
= |z 414 4i| < |z + 2i| + [2i + 1] < 3V/5.

b+2
, (422220 (2a=b+2>0 a=2
Dau “=” x4y ra khi { 1 2 =9, ) & =2z =2+ 2.
|2 + 2i = 2V/5| a4 (b+2)" =20 b=2
V6i 2 = 2 + 24, ta c6 |z — 44| = |2 — 2i| = 21/2 (thoéa méan diéu kien).
VaymaXT:?)\/g.
Chondépén@ O

Cau 1808. Tim sb phiic 2z thda méan |z — 1 —i| = 5 va biéu thic T = |z — 7 — 9i| + 2|z — 8i| dat gia

tri nho nhat.

A. z=5—-21. B. z2=1+61.
C.z2=1+6ivaz=5—2i. D. z=4+ 51.
Loi giai.

Vi |z —1—i| = 5 nén tap hgp cac diém M biéu dién s6 phic z 1a
dudng tron (C) tam I(1;1), ban kinh R = 5.
Xét cac diem A(7;9), B(0;8). Khi d6 T = M A+ 2MB.
Goi K la diém trén tia 1A sao cho IK = ;lIA, khi d6 K (g;?)).

IM IK 1 —
Taco]A:10:2M1:4IKne;\ri”£—A:I[g—MTEVaMchhung

nén AITKM -~ AIMA (c.g.c) = VA= TM 32> MA=2MK.

SuyraT = MA+2MB =2(MK + MB) = 2BK = 5/5.

Vay min T = 5v/5, dau bing xay ra khi va chi khi M trimg X la giao diém ctia doan thing BK v6i
duong tron (C).
Phuong trinh dusng thang BK 1a 2z +y — 8 = 0.

r=1
. . 20 +y—-8=0 =6 X(1;6)
Toa do diem M la nghiém cua hé & &
(z—1°+(@y—17%=25 r=>5 X (5;-2).
Ly =2
Thit lai chi thay diém X (1;6) nim giita B v K nén chi c6 s6 phiic z = 1 + 6i thod mén.
Chon dap an 0

Cau 1809. Cho s6 phiic z thda man |z — 4+ 3i| — [2+ 4+ 3i| = 10 va |z — 3 — 4i| nh6 nhat. Mo-dun
clia s6 phiic z bang
A. 6. B. 7. C. 5. D. 8.
Loi giai.
Ta xét cac diém M(z), N(2), A(4; —3), B(—4; —3),C(—4;3), 1(3;4).
Khidé |z —4+3i|—-[Z2+4+3i|=10& MA—- NB = 10.
Lai thay: NB = \/(z+4)?+(-y+3)?2 = \/(z+4)?2+(y—3)2 = MC = MA—- NB =10 &
MA— MC = 10.
Lai ¢c6: AC =10 = MA — MC = AC = M nam trén tia doi ctia tia CA nhu hinh vé.
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Nhan thay: |z — 3 — 4i| = M1 = |z — 3 — 4i| nh6 nhat < M ngan nhat.

Ta thay v6i moi diém M thuoc tia doi clia tia CA thi IM > IC = 7v/2 = IM nhd nhit = 7v/2 <
M = C(—4;3) hay z = —4 + 3i.

Vay |z| = 5.

Chon dap an @ O

Cau 1810. Cho s6 phiic z thda man |z| = 1. Goi M, m lan lugt 1a gid tri 16n nhat va gid tri nho

2z +1

Z ) 7z M
nhat ctia bieu thic P = 5| Tinh ty so —.

z — m
AM_1046v34 o M 254+4V34 M 9+4V2 b M _5+3V2
“m 9 ' “m 9 ' “m 7T “m 4
Loi giai. ‘
Datu:2z+l.
z—2 5 ‘
=su(z—2)=2z+ie 2= U+Z.
ot i u—2
1
Vi|z| = 1nen | - S = el 2util=lu=—2].(1)
u_
Goiu=a+bivéi a,beR.
(1) ©4d® + 20+ 1)* = (a — 2)* + b2
& 3a + 30* + 4a +4b — 3 = 0.
s 2 2 V1T
= quy tich cac diém bieu dién v la duong tron tam [ (—5; —§> va ban kinh R = =5
202 + /17 7— 22
VayM:maxP:O]+R:\/_%,m:minP:|O]—R|:%.
M 25+ 44/34
m 9 '
Chon dap an (B) O

Cau 1811. Cho sb phiic z théa man |z —2 —2i| = 1. Tim gia tri 16n nhéat ctia biéu thitc P =
|z — 3 — 2| + |22 — 2 + 4i].
A. 2+/5. B. 3V15. C. V10. D. /5.

L&i giai.
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bat z =x + yi, v6i z, y € R. Ta co
z—2-2il=1& (1-2°+(y—-27°=1& (y—2)°=1— (v —2)% (1)

T (1) suy ra (z —2)2 <1 & 1 < z < 3. Khi do,

P=|z—3-2i[+2]z—142i] = \/(z = 3)2+ (y — 2)2 + 2\/(x — 1)2 + (y — 2)?
=6 —2x + 2¢/2x — 2.

Xét ham f(z) = /6 — 2z + 2¢/22 — 2 trén [1;3]. Ta c6 f'(x) = ! + 2 :
V6 —2x  2x—2
Cho f'(z) =0 & V2x —2=2{6—21 & xz?.
Ta co
13
f(1)=2, f(3) =4, f <€> = 2/5.
Suy ra,
max f(z) = 2v/5.
(1;3]
Chon dap an (A) O
Cau 1812. Cho s6 phic z théa man |z = 1. Gid tri 16n nhat cta biéu thic
P=|1+2z+2|1—z| bang
A VG B. 6v/5. C. 2V5. D. 4V/5.
Loi giai.

Goi z =x +yi véi z, y € [-1;1].

Zl=1le 2 +y=1ey =1-22 (1).

P=ll+zl+2[1—zl=y/Q+a)P?+y2+2/(1—-2)2+y>=2+22+2/2 -2z
1 2

/

T V2t V-2
P=0Vv2—-—2r=2 2+2$(:)x:—g.
3
P(—1) =4, P(1) =2, P(—g) = 2/5.

Vay gia tri 16n nhat ctia P 1a 24/5.
Chon dép &n (C) O

Cau 1813. Cho s6 phitc 2z = 1 + i. Biét rang ton tai cac s6 phic 23 = a + 5i, 2o = b (trong do
a,b € R, b > 1) théa man 3|z — 21| = V3 |z — 23| = |21 — 2|. Tinh b — a.

A b—a=5/3. B. b—a=2V3. C.b—a=4V3 D. b—a=3V3.
Loi giai.
z—zn=1—a)—4 = 3|z—21|2:3[(1—a)2—|—(—4)2} = 3a® — 6a + 51
z—zp=(1-0b)+i = 3lz— )P =3[(1-b)*+17 =3b"—6b+6
21— 2= (a—"0b)+5i = |zl—z2|2:(a—b)2+52 =a?—2ab+b*+25

V3lz =2 =V3lz— 2| =|n -zl & (1-a)+16=(1-0)"+1 (1)
3(1—b)*+3=(a—b)*+25

r=1—-a
Dat b.Dob>lnény<OV§ix—y:b—a (2)
y=1-
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vt —y? = —15
Ta c6 (1) & (3)
2y — 2% + 22y = 22
Dat z =ty (do y = 0 thi hé (3) khong c6 nghiém).
Ta co
—15
T M - £l
2y° — Yt £ 2yt = 22 7t* + 30t +8 =0
i 2
2 -1 » 49
A t:—g And Y73
7 t=—4
t=—4 ) ) .A
| |y = —1(v0 nghiém)
. 73
Vs
2 2V/3
= = )
:i7_\/§ ( _ V3
R V=T
23
LT3
2v/3
N
Két hop véi (2) ta c6 .
(2) 3
Vs
Vayb—a::p—y:3\/§.
Chondépén@ O

Cau 1814. Xét cic s6 phiic z théa man [z® —4 —3i| = /5. Tinh gid tri 16n nhat P, cla
P = |z|.

A. Poax = V5+V5.  B. Pux = V5+ V5. C. P = V30. D. Ppax = V10.
Lo gii.
Dat u = 23 Khi d6 |u — 4 — 31| = V5. Suy ra u thuoc dudng tron tam y
I1(4;3) va ¢6 ban kinh R = /5. i N
Do vay P = |z| = ¢/|u]. i ,,,,,,,,,, I
Ta €6 Zmnax < [Ulmax < |Umax = OMuax = O + R =5++/5 (v6i M Ia |
diém biéu dién ctia s6 phitc u trén mat phang phiic). 1 |
Vay Prax = V5 + V5. ol 1 2 3 zll M;“) -
Chon dap an @ O

Cau 1815. Cho sb phtic 2z thda man |z — 3 + 4i| = 2. Gi4 tri 16n nhat ctia biéu thiic |z| bing
A. 3. B. 5. C. 7. D. 9.

Loi giai.

Taco |z —3+4i|=2<|2z—(3—4i)] =2.
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Ma ta lai c6

2l = 1B —4)| < |z = (3 —4i)| = 2
&lz| -5 <2

Sz < 7.

Vay gié tri 16n nhét cta |z| bang 7.
Chon dap an @ O

Cau 1816. Cho s6 phtic z théa méan |z| = 1. Goi M, m lan lugt 1a gia tri 16n nhat va gia tri nho

Z 2 2z M
nhat cta bieu thic P = |z + 1| + |22 + 32 + 2|. Ti s6 la
m + 2
A 5V2. B. 4. C. 2. D. 4V2.
Loi giai.
Xét P=lz+1+|224+32+2| ==+ 1+ |+ 1) (z+2)| =2+ 1] (1+ ]2+ 2|).

Taco P < (Jz| +1) (1 + |2| +2) =8, dau "=" xay ra khi va chi khi z =1= M = 0.
Dong thoi P > 0, dau "=" xay ra khi v& chi khi 2 = —1 = m = 0.
Vay =4.

m+ 2
Chon dap an O

Cau 1817. Cho s6 phitc z théa man diéu kien |z — 1| = /2. Tim gia tri 16n nhét ciia biéu thitc
T=lz4i+]z—2—1.
A. maxT = 4. B. maxT = &. C. maxT = 4V/2. D. maxT = 8V/2.
Loi giai.
Ditz=a+yi=|z-1=vV2& (z-1)2+y>=2
Taco: T=|z+i|+|z—2—i] =22+ (y+ 12+ /(z —2)2+ (y — 1)2.
Ap dung Bunhiacopxki ta c6

L VEFGF I+ LGP (- 1P < B[ T 19 + (0= 27+ (5= 1)
>T< Az —12+y*+2]=V4-4=14
Dau bang xay ra khi

(z—1)*+9* =2 r=2y=—1=>2=2—i
@ .
Vet 1= @e-22+ -1 le=0y=1=z=i

Chon dap an @ O

Cau 1818. Cho hai s6 phtic 21; 2o thoa man |z; + 5| = 5; |20 + 1 — 3i| = |20 — 3 — 6i]. Tim gia tri

nhé nhét clia |21 — 2.

2 2 121
A2 B 2 C. —. D. 2.

6 2 6 2
L&i giai.

Suu tam € bién soan Th.s Nguyén Chin Em 484 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Dat 21 = (l"—bi,ZQ =c+ di.

Goi M, N la diém biéu dién cac s6 phiic 2z, 2.

Do |z; + 5| =5 nén M thuoc dudng tron tam I(—5;0), ban kinh
R =5.

Ta co

|20+ 1 — 3i| = |22 — 3 — 61
e (a+1)*+(b-32=(a—3)2+(b—6)
& 8a+6b—35=0.

Do d6 N thuoc duong théng d: 8z + 6y — 35 = 0.
Khi d6 |z; — 29| = MN.
Ta c¢6 d(I,d) = 7.5 > R nén dudng thang d khong cat dudng tron (I, 5).
Dé thay M N > MyN, v6i Ny 1a hinh chiéu ctia I tren d va M, 1a giao ctia doan thang I N, va duong
tron.
Vay min |21 — 29| = MoNy =d(I,d) — R = g

Chon dap an @ 0

.y max {|z|; ][z — 1 —i[} <1 L )
Cau 1819. Cho hai so phtic z, w thoa man . Tim gié tri nhé nhat cia
lw+ 1424 <|w—2—1

biéu thitc P = |z — w|.

1
A V21, B. 0. C z D. 2v2—1.
Loi giai.
max {|z];]z—1—id|} <1lnén|z|<1valz—1—1i <1 y

Suy ra diém M biéu dién s6 phiic z nim trén phan chung ctia
hai hinh tron tam O ban kinh r; = 1 va hinh tron tam 7(1;1)
ban kinh r, = 1.

Datw=z+yi,taco jw+1+2i|<|w—2—i] e x+y<0.
Suy ra diém N bicu dién s6 phitc w nam trén nita mit phang 0 "
khong chita diém I(1;1) ké ca bo 1a dudng théng y = —a. \

Goi J la giao diém ctia OI va (I;1). Khi do,

P=|z—w|=MN>0J=0I—r,=+2-1.
Chondépén@ O

Cau 1820. Cho s6 phtic z théa man |z| = 1. Tinh tong gia tri 16n nhat, gia tri nhé nhat ciia biéu
thic P= |z + 1] + |22 — 2 + 1.

13 +24/3 B p_ 13143 o p_B+V3 b p_ 13+6V3

A P=—7 1 1 A

L&i giai.
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Dat z = a + i, (a,b € R). Theo dé ta c¢6 a® + b* = 1.Ta c6

24+ 1] =/(a+ 1) +52 = \/2(a + 1);
|22 — 24+ 1] =|(a +bi)* — (a+bi) + 1] = |(2a — 1)a + (2a — 1)bi]
=\/(2a — 1)%a2 + (2a — 1)202 = \/(2a — 1)2(a? + 12)

=4v/(2a —1)2 = |2a — 1|.
Vay P = +/2(a+ 1)+ |2a — 1]. Dat t = \/2(a + 1), khi d6 P =t + [t* — 3|.

Do a? +b* =1neén a € [—1;1], suy ta t € [0;2].

1
— V6 0<t<+V3thi P=—t>+1t+3. KhidéP’(t):—2t+1=O<:>t:§ € [0;v/3].
1\ 13 13
Tinh P(0) =3, P(v3) = V3, P (-) — — Tidétacé min P=+3; max P=—.
2 4 t€[0;v/3] t€[0;/3] 4

— V6i V3 <t <2thi P=1t>+t—3 khidé P'(t) =2t+t>0,Vt € [V3;2] Tit d6 suy ra
min P = P(v/3) = V/3; max P = P(2) =3.

te[v/3;2] te[v3;2]
13 N 13 13 +4+/3
Vay min P = V3 va max P = T Gi4 tri can tim 1a T +43 = +T\/_
Chon dap an U

Cau 1821. Cho s6 phitc z thda man |z| = 1. Tim gia tri 16n nhat cta biéu thic P = |z +2 — i| +
V/5liz — 14 6i.

A 2+10V2. B. 61/10. C.1+2V5+V175.  D. V130 + V2.
Loi gidi.
Taco P=|z+2—i|+bliz —1+6i] = |z +2 —i| + 5|z + 6+l
Goi M(z;y), A(=2;1), B(—6;—1) lan lugt 1a cac diém biéu dién ciia cac s6 phiic 2z, 2 = —2 +i va
29 = —6 — 4. Khi d6, P = MA +/5MB.
Mit khéc, vi |z| = 1 nén diém M thudoc dudng tron tam O ban kinh R = 1.
Bai toan trd thanh: “Tim diém M trén dudng tron tam O ban kinh R = 1 sao cho P = MA++/5MB
16n nhat, véi A(—2;1), B(—6;—1)".

Ta co Y
P=MA+V5MB < \/(1+5)(MA? + MB?) A

1
— V6V MAZ + M B2 y / /\M
Goi I 1 trung diem ctia AB, suy ra 1(—4;0). / —4 - Qj 1 x
Ta c6 T ____>s

B -1
MA? 4 MB? = (NI + TA) + (MI + TB) = 2MI? 1 1A% 4 B2,
trong d6 I A%+ I B? khong ddi . Do d6 M A%+ M B? 16n nhat khi M1 16n nhéat. Diém M thudc duong
tron (C') ma cach xa diém I nhat. Suy ra M(1;0) hay z = 1 + 0i.
Vay gia tri 16n nhat ctia P = |1+ 2 — i| + v/5]i — 1+ 6| = 6/10.

Chon dap an OJ
L 2 1 . . 2
Cau 1822. Xét cac s6 phiic z théa méan |z + 1 — i| > 2. Biéu thic P = % dat gia tri nho
2z —i
nhat va gia tri 16n nhat lan luct tai 2; va 2z,. Phan 4o clia s6 phiic w = 2; + 2, bang
A. -2 B. 1. C. 2. D. 0.

L&i giai.
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Goi I(—1;1), A(—1;0) va M(x;y) la diém biéu dién sé phiic z thoa y
man |z +1 —d > 2. Khi d6 TA = 1 va MI > 2. y
1 MA
Ta co P = i | = .
s+ 1—i| MI /
Xét tam gidgc TMA c6 |MI — TA| < MA < MI + IA. Suy ra y/
MI—TA| MA _MI+IA " g
< <
MI - MI T MI
o |1 IA <MA<1+[A
MI|— MI — MI
< |1 ! <MA<1+1
2|7 MI — 2
1 3
S <P -
2— 72

, lz+1—i] =2 M thuoe dudng tron (x + 1)% + (y — 1)* = 2
Dang thic xay ra khi & .

I, M, A thang hang I, M, A thing hang

. Ty = —1
Phuong trinh duong thang I A 1a = —1. Suy ra M .
yvw =1+V2
Do d6 2y = —1+ (1—v2)i, zp=—1+ (1+v2)i. Vay w =2 + 2 = —2 + 2i ¢6 phén &o la 2.
Chon dap én@ OJ

Cau 1823. Goi z va w lan lugt 1a hai s6 phiic thoa méan |z — 8| = 3 va |w — 3i| = |w + 2 — i|. Tinh
gia tri nhé nhat cta biéu thiic P = |w — 4 — 24| + |z — w|.

T2 + 445 — 6
A 434+ 5. B V2HE45-6 e D. /5 43V,

2
Lai gidi.

Goi z = x + yi v6i 7,y € R. Ta c6 tap hgp cac diém biéu dién ctia z la dudng tron tam 1(8;0), ban
kinh R = 3 va phuong trinh ctia n6 1a (z — 8)? + ¢y = 9.
Goi w =a+ bi v6i a,b € R. Ta c6

w—3il=|lw+2—i|ed+b-3) =(@+2)°+b-1) <a+b-1=0.

Nhu vay tap hop céc diém biéu dién ctia 1a duong thing A: 2 +y — 1 = 0.
Goi M la diém bicu dién ctia z, N 1a diém biéu dién ctia w, A(4;2) 14 diém biéu dién ctia s6 phiic
4+ 2¢. Ta co

P=NA+ MN.

Goi A’ Ia diém dbi xting v6i A qua A, ta c6 A'(—1;—3).
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Ta co
P=NA+MN=NA"+MN > A'M. (2)

Goi M’ 1a giao diém ctia A'T véi (I). Khi d6

A'M > A'M. (3)
Tu (2) va (3) suy ra P > A'M’".
Diang thiic xay ra khi M = M’, N = N'.

Vay Puin = A1 — R=/(8+1)2+ (0 +3)2 =310 — 3.
Chon dap an @ 0

Cau 1824. Gia st z;, 2 1a hai trong s6 cac s6 phiic z thdéa man ‘zz +v2— z‘ =1va |z — 2| =2.

Gi4 tri 16n nhat cta |z1] + |22| bang

A 4. B. 3v2. C. 3. D. 2V/3.
Laoi giai.
Gia st z =z + y1, véi z,y € R. Khldo‘zz+\/§—z’—1(:>(x—1 ( )

=1.
Suy ra tap hop tat ca cac diem M biéu dién s6 phic z la dudng tron tam [ (1 ) ban kinh
R=1.
Goi A, B la cac diém biéu dién s6 phiic 2; va zp. Khi d6 |21] + |22| = OA 4+ OB, véi O la gbe toa
do. Dong thoi A, B thuoc duong tron (I; R).
Vi|z; — 2| =2 AB =2 = 2R, nén AB la dudng kinh ctia duong tron (I; R).
Xét tam giac OAB véi OI 1a trung tuyén, ta co6
OA? 4+ 0B?> AB? g _ OA% + OB?

OI% = 5 - es= 5 — 1< 0A?’+0B? =38.

Ap dung Bét déng thic Bu-nhi-a-cop-xki, ta c6
(OA+OB)? < (1+1)-(0OA* +0B*) =16 < OA+ OB < 4.

Dau bang xdy ra <& OA = OB = 2. Vay |z1| + |22| 16n nhat bang 4.
Chon dap an (A) O

Cau 1825. Cho s6 phitic z théa man |z — 3 — 4i| = V5. Goi M va m 1an luot 1a gia tri 16n nhét va
gia tri nhé nhat ctia P = |z + 2|? — |z —i|?. Tinh S = M? + m?.
A. S =1236. B. S = 1256. C. S =1233. D. S = 1258.
Loi giai.
Goi z =z +yi;z,y € R.
Tacé|z—3—4il=Vbe |z -3+ (y—4)i|=vVse (x —3)*+ (y —4)? =5 (%).
Taco P=z4+2F—|z—i?=(x+2?+y -2+ (y— 1)} =4z +2y+3=>y =
Thé vao (*) va rat gon ta c6: 20z* — 8(P — 8)x + P? — 22P + 137 =0
Phuong trinh bac hai nay c6 nghiem< A’ = —4P? + 184P — 1716 > 0 < 13 < P < 33.
T do, ta c6 M = 33;m = 13 = M? + m? = 1258.
Chon déap an @ OJ

P-4z -3
2

Cau 1826. Xét s6 phiic 21, zp théa man |21 + 2+ 41| = |z +8 — 4i| va (1 —1)| 2| = 27 — (2 — )i
Tinh gi tri nhé nhat cla bidu thite P = 21| + 2i(217 — Z120).
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A
3

L&i giai.

B. L ,
3 9

Goi zg =m+ni (m € R,n € R). Ta co:

Ta dude z9 =

3
:>21:a+<—a—|—

4

(1 —d)vVm?2+n2=2(m—ni) — (2—m+ni)i

& Vm2+n2—ivm2+n2=2m—2ni—2i+mi+n

& Vm2dn?—ivm2+n2=2m+n—(2n+2—m)
vm2+n2=2m+n
vm2+ni=2n+2—-—m

m? +n? = 4m? + 4mn + n?
& (2m+n >0)
2Im+n=2n+2—m
m = 2 (loai)
m(3m + 4n) —0
= Im+4n =0
3m=mn-+2
3Im—n=2
o ®
15
< 9
n=——.
5

. Gol z1 = a + bi, ta co

|21 + 2+ 4i| = |21 + 8 — 4i

& (a+2)2%+ (b+4)? = (a+8)2+ (b—4)?

& a*+4a+4+b0*+8b+16 =a® + 16a + 64 +b* — 8b+ 16
~

<~

4a 4 8b + 20 = 16a — 8b + 80 < 16b = 12a + 60
3a+15
4 4

—) i. Ki hieu I'm(z) la phan &o clia s6 phitc z. Ta c6:

4

3 15\? S
P = CL2 -+ (ZCL + Z) + 22(212_2 — 212_2)

25 45 225
= ]_6 2 —+ ?al + E + 27 - 21]771(2122)

25 2+45a+225 Al [( +<3 +15> )(8 +2‘>}
=—a +—+——4Im ||a —a+— i) |—=+ =1
16 8 16 4 4 15 5

25 ,  45a 225 16a

6 T s T 5
<5a 97

— 1216 > 5,1216.
@ Y 51216 > 51216

Vay gia tri nhoé nhat ciia biéu thitc P 1a 5,1216.

Chon dap an @

C. 5,1216. D. —.

O

Cau 1827. Trong mit phéng phiic, goi B, C lan lugt la diém biéu dién s6 phic z; = 1 + 24,

2y = 3 — 4i, A la diém biéu dién s6 phitc 2 théa man |z — 8 — 8i| = 3. Goi M la diém théa man

CM =2MB + BA. Tim gia tri nho nhat ciia doan M A.
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A. 213 - 2. B. 4V/13 + 4. C. 413 — 4. D. 2v13 — 4.

Loi giai.
Diém A chay trén duong tron tam I(8;8), ban kinh R = 3. Goi D = (2; —1) la trung diém ctia BC,
dé thay ID = 3v/13 nén D nam ngoai duong tron (7;3). T gia thiét ta co

— A—é A—) 2—

. ABtAC 2o

3 3

Suy ra

2 2 —

DAau bing xay ra khi A la giao diém ctia doan ID la duong tron (I;3). Vay gia tri nho nhat ctia do
dai doan M A 1a 24/13 — 2.

Chon dap an @ O
Cau 1828. Cho s6 phiic z théa man (z + 3 —4)(z + 1 + 3i) 1a mot s6 thye. Tinh gid tri nhé nhat
cla |z|.

A. V2. B. 3v2. C. 4. D. 2V2.
Loi giai.

Goi z =z +yi (z,y € R). Ta ¢

(z4+3=0)Z+1+31) = [(z+3)+(y—Di][(x+1)+ (3—y)i
= [(@+3)@+D+y-Dy—-3)]|+(z+3)B—y)+ (z+1)(y — 1)

Vi (z+3—1i)(Z+ 1+ 3i) la mot s6 thuc nén

(x+3)B3—y)+(z+1(y—1)=0
& 2r—2y+8=0
& r—y+4=0.

Vay tap hop diém biéu dién sb6 phtic z thoa man dé bai nam trén duong thang A: z —y +4 = 0.
Do do

. 14|
min |z| = d(0; A) = =L = 2V/2.
2| = d(O; A) 7
Chon dap én (D) O
Cau 1829. Cho s6 phiic z thoéa man 1_7_ 13 s6 thuan &o. S6 phitc 22 + 4 c¢6 mo-dun nhé nhat
z
bang
164/1 4/1 2v1
A, 1OVIT, B. 4. c. I3 p, 2V13
17 13 13
L3i giai.
Dat z=a+bi #0
Ta c6
z a+bi  (a+bi)[(a+1)— bi]
I+2z  (a+1)+bi (a+1)2+ b2
ala+1)+0*+bi  ala+1)+ b b ,
_ — i
(a+1)2+ 02 (a+1)240*  (a+1)24+p
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ala+1) +0?
CESENE
2pd=(a+bi)2+4=a = +4+2abi = |22+ 4] = /(a2 — 12 + 4)* + a2V,

22 + 4 ¢6 mo-dun nhé nhat khi va chi khi bidu thiic (a® — b2 + 4)* + 4a2b? dat gi4 tri nhé nhat.

Theo gia thiét, ta co =0=ala+1)+b=0. (1)

T (1) ta ¢ A
T —00 T +00
(a2 — b+ 4)2 + 4a*b?
f'(a) - 0 +

= (2a> +a+4)" + 4a® (—a® - a)

9 +00 +00
Dat f(a) = 17a® + 8a + 16, f'(a) = 34a + 8 17
4
flla)=0<a= —17
oo 16V1
Vay 22 + 4 ¢6 mo-dun nhd nhét biang Gf.
Chon dap an @ O

Cau 1830. Cho sb phtic z théa man |z| = 1. Tim gia tri 16n nhat cta biéu thitc T = |z + 1| +
2]z —1).
A. maxT = 3V/2. B. maxT = 2V/10. C. maxT = 3V/5. D. max7T = 2V/5.
Lo giai.
Goi M la diém biéu dién sb phiic z.
Khi d6, M nam trén duong tron tam O ban kinh R = 1. Do d6, OM = 1.

Goi A(—1;0) va B (1;0). Khi d6, AB = 2. 5
Nhan xét, O chinh la trung diém ctia AB. Do d6, M A? + M B? = AB? = 4. /

Taco T =MA+2MB < /(1+4) (MA2+MB?) = /5(MA2+ MB?) = /5.4 =25

Chon dap én (D) O
Cau 1831. Tim gia tri 16n nhét clia |z| biét rang sé phiic z théa man diéu kién |1 —iz| = 1.

Al B. 2. C. V2. D. 3.
Loi giai.

bat z=a+bi, a,b € R, ta co
1—izl=1<|(1+b) —ia =1 (1+b)*+a*=1.
bat 1 +b=sint, a = cost, khi do
122 = a*+b® = (cost)’ + (sint — 1)* = 2 — 2sint

&z < 4
=zl < 2.
|2| =2 & sint = —1 = a=0,b= —2. Vay gia tri 16n nhét cta |z| 1a 2.
Chon dap an O
Cau 1832. Cho s6 phiic z théa man diéu kien |z — 2+ 3i| = /5. Tinh gi tri 16n nhét ciia biéu thitc

P=zxlz—1+1|+y[z—3—5i| v6i z, y 1a cic s6 thuc duong.

A. /52 + 5y2. B. 2./5x% + 5y2. C. /22 + 2% D. 2% + 2
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Loi giai.

Gidstz=a+bi (a,b€R). Taco|z—2+3i| =vV5 e (a—2)2?+(b+3)?=5Tacé P =
zlz —1+i|+y[z—3—=5i| =z|z — 1+ +y|lz — 3+ 5.

Ap dung Bat déng thic Bu-nhia-cop-xki ta c6

P<\/(224+32) (|2 =1+ + |2 = 3+5i2) = /(22 + 42) [2((a — 2)2 + (b + 3)2 + 5)] = 2/52 + 542,

Chon dap an O

Cau 1833. Cho s6 phiic z thod man |z — 1+ 2i| = 3. Tim mo-dun 16n nhat ctia sd phiic z — 2i.

A. /26 + 6/17. B. V26 — 6/17. C. /26 — 4/17. D. /26 + 8/17.

Loi giai.
Diat w = 2z — 2i, ta thay 5 y
w=z—22 *
Sw—1+di=z—1+2i A
= |lw—1+4i| =]z — 1+ 2
= |lw—1+4i| =3 I
= M(w) € €(I,3) véi I(1;—4).
Do vay, mo-dun 16n nhédt cta w bing O +3 = V17 4+ 3 = B
V26 + 6V/17.
Chon dap an (A) O

Cau 1834. Xét cac s6 phitc 2z = a + bi (a,b € R) ¢6 mo-dun bang 2 va phan 4o duong. Tinh gia tri
biéu thitc S = [5(a + b) + 2]?°1® khi biéu thitc P = |2 + 2| + 3|2 — z| dat gia tri 16n nhat.

A S=1. B. S = 21009, C. S = 22018, D. S=0.
Loi giai.
2 ¢6 mo-dun bang 2 va phan 4o duong nén c6 a? +b% =4 va b > 0.
CoP=2+2+32-2=+/2+a)2+b0+3/2—a)+1 =+da+8+3V/8—4a = f(a), vi
a€[—2;2].

1 3

o B ) — — _ _ 8.
Cof(a)—2<2\/m 2\/m),f(a)—0<:>\/2 a=3Va+2<a= 56[2,2].

Co f(—v2) =2 (V2-V2+3V2+V2), f(vV2) =2(V2+V2+3V2—2), f (—%) — 4,/10.

8
Do d6 max P = max f(a) = 4+/10 dat dugc khi a = ——.

a€[—2;2] 5

2
+62:4<:>b:§(dob>0).

—~

8
Gae S ,<__
\/ICL 5 a Co 5

oo
U] O —

8 )
Vay khia = = vi b= 2 thi P 1on nhét. Khi 6 § = [5(a+b) + 2" = 0.
Chon dap an @ O
Cau 1835. Cho zj, 2, 14 hai trong cac s6 phtic z théa man diéu kién |z — 1 — 2i| = |z — 3 + 2,
dong thoi |z; — 2| = /5. Tim gia tri nho nhit ciia biéu thic H = |w — 21| + |w — 2], trong d6
w =1+ 3.

14 Vv V11 V11
A MV5 B. V% c. VU6 p, Y10

5 5 5 5
L&i giai.
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Gia st z = x + yi. Ta co

2= 12l =z =3+2i| &z —12+(@y—-22=/(z 32+ (y+22©x—-2y—2=0
Do dé, v6i M, M, 1a hai diém biéu dién clia z; va 2z, thi M; va M, thuoe d:  — 2y — 2 = 0. Suy ra
My (2t + 2,t) va Mo(2k + 2, k) véi (t < k).
Ma‘21—22|:\/5<:> ‘OMI_OMQ‘ :\/S@MlMQZ\/S@ \/5(t—]€) :\/g@k':tﬁ—l
Mat khac

H=|1+3i — 21|+ |1 +3i — 2 = \/(2t + 1)2 + (¢ — 3)2 + /(2K + 1)2 + (k — 3)?
=2+ 12+ (1= 3)2+ /(2 +3)2 + (t — 2)?
= /512 — 2t + 10 +V/5t2 + 8t + 13

(=) () )

=V5(MA+ MB).
17 -4 -7

61 M (1:0), A(—;—), B (——)

Véi M(t;0) B E £ Suy ra
> \/1105'
5

) — -— -3

Déang thic xay ra khi va chi khi AM cung phuong AB <t = 10
V11

Vay min H = 505.
Chon dap an @ O
Cau 1836. Cho s6 phiic z thod man |z| = 1. Tim gié tri 16n nhat ctia biéu thitc P = |1+ 2| + 3|1 —
z|.

A. 2V/10. B. 6v/5. C. 3V/15. D. 2v/5.
Loi giai.

Dit 2 = o +yi ta c6 2% + y? = 1.
Khido P=+/(z+ 12+ y2+3/(x —1)2+y> =20+ 2+ 32 — 2z
Xét ham s6 f(x) =22 +2+ 3v2 — 2z véi z € [-1;1].

3

, 1 1

4
Tu do suy ra max P = f <_5) = 2/10.
Chon déap an @ OJ

Cau 1837. Cho s6 phiic z théa méan |z — 3| + |z + 3| = 10. Tong gia tri 16n nhat va gia tri nho nhat
clia |z| bang
A 12. B. 9. C. 8. D. 7.
Loi gidi.
Gia st M (z;y) (z,y € R.) la diém biéu dién clia s6 phiic z.
Goi F1(0;—3),F5(0;3). Tacé |z — 3|+ |2+ 3| =10 & MFy, + MF, = 10.
Suy ra M nam trén elip (E) c6 c=3,a=5,b=4.
Suy ra min |z| = 4, max|z| = 5 = min|z| + max|z| = 9.

Chon dap an O
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Cau 1838. Cho cac s phiic z, 21, 2o théa man |z; — 4 —5i| = |20 — 1| = 1 va |2+ 4i| = |z — 8 + 4i].
Tinh M = |z — 25| khi P = |z — 21| + |z — 2| dat gia tri nhé nhat.

A VAL B. 6. C. 2v/5. D. 8.
Loi gii.

Vi |z; — 4 — 5| = |zp — 1| = 1 nén ta c6 tap hop cac diém biéu dién s6 phiic z, 1 dudng tron tam
I,(4;5), ban kinh R; = 1; tap hgp cac diém bicu dién s6 phiic 2z, 1 duong tron tam Ir(1;0), ban
kinh Ry = 1.
Dit s6 phic 2 = a + bi (a,b € R).
Z+4il=]z—-8+4i] & a*+(4—-0b)°=(a—8)7*+ (b+4)

< —8b+ 16 = —16a + 64 + 8b + 16

& 16a — 160 —64 =0

& a—b—4=0.
Vay tap hop cac diém biéu dién s phitc 2z 1a duong thang (d): x —y — 4 = 0. Goi (I5;1) 1a dudng
tron déi xiing véi duong tron (I»;1) qua dudng thang (d) thi I}(4; —3).
Goi A, A}, Ay 1a cac diém biéu dién z, 21, 2, 1an lugt trén dudng thiang (d) va hai dudng tron tam
I, I,
Goi A} 1a diém ddi xing véi A; qua (d).

Ay A, 1a duong thang ndi tit hai dudng tron ngoai nhau nén gia tri nhé nhat dat duge khi A;, A
nam tréen doan noi tam 1,715,

Duong thang ;I ¢6 phuong trinh 13 @ = 4 nén A;(4;4) va A5 (4; —2). Khi d6 Ay(2;0).

Vay M = |z — 2| = A1 Ay = 24/5.

Chon dap an @ O
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Cau 1839. Cho hai s6 phiic 21, 2o thda man z; + 2o = 8 + 6 va |21 — 25| = 2. Tinh gid tri 16n nhat
ctia biéu thic P = |z1] + |2].
A. V26. B. 2V/13. C. V13. D. 2v/26.
Loi giai.
Ta ¢6 |21 + 22f° + |21 — 22> = 2 (|z1\2 + |22\2).
Ap dung bét ding thitc Bunhiacopxki ta c6 104 = (12 4 12) (|z1|2 - |22|2> > (|z1] + |22])* = P2,
tt do suy ra Ppax = V104 = 2/26.
Chon dap an @ O
Cau 1840. Cho s6 phiic z théa man |z| = 1. Tim gid tri 16n nhét ctia biéu thic T = |z + 2| + 2|z —
2|
A. maxT = 5V/2. B. maxT = 2V/10. C. maxT = 3v/5. D. maxT = 2/5.
Loi gidi.
Gia st 2 = a + bi (a,b € R). Khi d6, do |z| =1 nén a® 4+ b* = 1.
Ta co: T = +/(a+2)2+ b+ 2y/(a —2)% + b2
Theo bat dang thitc Bunhiacopski ta cé:

[V(a+272+82+2y/(a—2) B < (1212) [(a+2)? 1+ (a— 22+ 1] = 5[2(a® + %) + 8] = 50,

Vay max T = V50 = 5v/2.
Chon déap an @ l

Cau 1841. Cho s6 phitc z théa man dicu kien |z — 1 — 4| + |z + 1 4 3i| = 61/5. Gia tri 16n nhat ciia
2 —2 - 3i I

A. 5V/5. B. 2V/5. C. 6v/5. D. 4/5.
Loi giai.
Tacé [z — 1 —i| + |24+ 143i| = 65 & MA+ MB = 6y/5 véi M

M (x; %) biéu dién s6 phiic z = x +yi, A(1;1) biéu dién s phiic 1+,
B(—1;—3) biéu dién s6 phitc —1 — 3i.

7 . m M/
Khi d6 diém M nidm trén elip tam I c6 do dai truc 16n 6/5 va A, B ¢ A I B
1a hai tieu diém.

— |2 —2—3i| = MC vé6i C(2;3) biéu dién s phitc 2 + 3i.
— AB = (-2, —4) = AB = 2\/5.
— AC = (1;2) = AC = /5.
— Vi AB = —2AC neén A—B), AC ngudc huéng va AB = 2AC.
Goi M’ 1a diém nam trén elip sao cho A, B, M’ thang hang va M’ khac phia A so v6i B.

Ta c6 BM' = WET_AB = 2¢/5.

Ta thay MC < M'C v6i moi diem M nam trén elip.

Do d6 MC' 16n nhat khi va chi khi M = M.

Khi d6 MC = M'C = CA+ AB + BM' = /5 +2v5 + 25 = 5V/5.

Chon déap an @ OJ

Cau 1842. Cho s6 phiic z théa man |z + 1| + |2 — 3 — 44| = 10. Gi4 tri nhé nhat P, ctia biéu thitc
P =]z — 1+ 2i| bang

34
A. P, = V17. B. P, = V34 C. P.. = 2V10. D. P, = g

Suu tam € bién soan Th.s Nguyén Chin Em 495 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

L3i giai.

Dat z = 2 + yi, diém biéu dién ctia z 1o M(z;y).

Khi d6 |2+ 1| + |2 — 3 — 4i| = 10 & MA + MB = 10 v6i A(—1;0) va B(3;4).

Suy ra M thudc elip c6 do dai truc 16n 14 10 = 2a = 10 = a = 5 va hai tiéu diem 1a A, B.
Ma AB = (4;4) = AB = 4y/2 = 2c = 42 = ¢ = 2V/2.

Ta co

P = |z—1+2i
= V@ =12+ (-2 =MH

Véi H(1;2). Dé thay A, B, H thang hang nén H thuoc doan AB.
Do d6 Puin < M H ngan nhat khi va chi khi M thuoc truc nhé ctia elip.
Khi d6 do dai M H bang mot ntta truc nhé hay MH = b = va? — ¢z = /17.

Chon dap an @ O
Cau 1843. Goi a la phan thyc ctia s6 phiic z thoa man (z — 1) (z + 2¢) 1a s6 thuc va |z| 1a nhé nhéat.
Tim a. . ) A
A a=-. B.a=-. C.azg D.a=—-.
) 5 5 )
Lo gii.

Goi 2z = a+ bi, (a,b € R). Theo gia thiét, ta co:
(z—=1)Z+2i)=[(a—1)+bi]la— (b—2)i] =ala—1)+bb—2)+ [ab— (a — 1)(b— 2)]1.
(z—1)(z+2i) lasdthuc & ab—(a—1)(b—2)=0&2a+b—-2=0&b=2—2a.

AN 4
Khi d6 z = a + (2 — 2a)i. Suy ra |z| = \/a2—|—(2—2a)2 = Vba? —8a+4 = \/5(&—5) +5 >
2v/5 2v/5 4

——. Tu day, ta duge min |z| = —— khi a =
5 5 5

Chon dap an @ O

Cau 1844. Goi M va m lan lugt la gia tri 16n nhat va gia tri nhoé nhat ctia phan thuc sé phic
1 .
w = 2° + —, trong d6 z 1a s6 phiic ¢6 |z| = 1. Tinh P = M? + m?.
2
A P=28 B. P=5. C. P=29. D. P =10.
Loi gii.
) , 1 , 1 1\? 1 5
bit z=a+bi=24+-=2aw==z +tZzew=|z+- —3({z+ - ) =8a® — 6a.
z z z 2
Doad’?+b?=1=-1<a<1l.
Xét ham s6 f(a) = 8a® — 6a véi a € [—1;1] c6 max f(a) = 2 va min f(a) = —2.
Vay P = M?* +m? =8
Chon dap an (A) O

z— 2

Cau 1845. Cho s6 phiic z thoa man 35| = 1. Gia tri nho nhét cta |z + 3 — 2i| bang
z+3—i

2v/10 10
A TV_ B. 270, c. Vo, D. g
Loi giai.

Goi z=z+yi v6i z, y € R.
z—21
z24+3—1
Vay tap hop cac diém biéu dién s6 phtc z 1a duong thing d: 3z +y + 3 = 0.

=le|z-2i=z+3—ile|lz+y—-2)i|l=|z+3)+(y—1)i| <3z +y+3=0.
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Ta c6 |z 43 — 2i| = [z — (=3 + 2i)|, voi Mo(—3;2).
|—9+2+3] 4 2V10

VI+1 V10 5
Chon dap an @ OJ

|z + 3 — 2i| dat gi& tri nho nhat bang d(My, d) =

Cau 1846. Cho cac s6 phiic z, w thda man |z| = /5, w = (4 — 3i)z + 1 — 2. Gia tri nhd nhat ciia

lw| 1a
A. 3+/5. B. 4v/5. C. 5V/5. D. 6+/5.
Loi giai.
, 142
Theo gia thiét tacéw—(4—3i)z+1—2i:>z—w4—;;2.
— I
142
Nen ]z\:ﬁ@‘wll—;l = V5 & |w—1+2i] = 5V5.
— o1

Vay, tap hop diém biéu dién s6 phiic w la dudng tron I(1; —2) va ban kinh R = 5v/5.
Ta c6 OI = \/12+ (=2)2 =+/5 < R.

Do d6 min|w| = R — OI = 5v/5 — /5 = 4y/5.
Chondépén O

Cau 1847. Cho s6 phiic z théa man diéu kién |z — 2 —i| = 2v/2. Goi M, m 1an luot 1a gié tri 16n
nhat va nhé nhat ctia biéu thic H = |z + 3 — 2i| + |z — 3 + 4i|. Tinh M + m.
A. 2v/26 + 6V2. B. 16v/2. C. 11V2. D. 2/26 + 8V/2.
Lo giai.
Taco H=|r+3—2i[+|—2+3—4i| >|2+3—2 —2+3—4i] = |6 — 6| = 6v/2.
Ditw=2—-2—1i= |w =2V2.
Ditw=a+bitacoa®+b?*=8= (a+0)?<2(a®>+V)=16=a+b< 4.
Taco H=|w+5—1i+w—145il=+/(a+52+(b—12+/(a—1)2+ (b+5)2
= H*<(Q+1D[(a+5)*+(b—1)*+ (a—1)*+ (b+5)7]
= H < 2(2a% + 20> + 8(a+b) +52) < 2(2-8+ 8- 4 + 52) = 200.
Do d6 H < 10v/2. Vay M +m = 16v/2.

Chon dap an O

Cau 1848. Cho s6 phiic z théa méan |z — 3 + 4i| = 2. Mo6-dun 16n nhat ciia z bang
AT B. 8. C. 5. D. 3.
Loi giai.
Tap hop céc diém biéu dién cho s6 phitc 2 théa |z — 3 + 4i] = 2 1a duong tron c6 tam I(3;—4) va
ban kinh bang R = 2. Suy ra max|z| =[O0+ R=T.
Chon dap an @ O

Cau 1849. Cho s6 phiic z théa man |z — 2 — 3i| + |z — 5 + 2i| = v/34. Goi M, m lan lugt 1a gia tri
16n nhat va gia tri nhé nhat ctia biéu thitc |z 4+ 1 + 2i|. Khi d6 tong M + m bing

30 30 30
A —+ V34 B. — +5. C. V34 +6. D. — +6.
V34 V34 V34

L&i giai.
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bat z =z +yi v6i z,y € R.

Goi I(x;y) la diém biéu dién ctia s6 phiic 2.

Ta c6 A(2;3), B(5;—2), C(—1; —2) lan lugt 1a diém biéu dién clia
s6 phitc 21 = 2431, 29 = 5—2i, 23 = —1 — 2i. Khi d6 AB = /34
va [z + 1+ 2 =CI. g
Theo dé bai thi Al + BI = /34 = AB nén I thuoc doan thing Z
AB.

Phuong trinh ciia duong thang AB 1a 5z + 3y — 19 = 0.

C

5.(—1)+3-(=2)—19] 30
V52 + 32 V34

C1T dat gia tri 16n nhat nhat khi I tring véi diem dau mut clia doan thing AB.
Mat khac CA = /34 va CB = 6.
Vay gié tri 16n nhat ctia CT 1a 6.

CI dat gis tri nho nhat khi CI 1 AB hay CI = d(C, AB) = |

DodéMzG,mzﬂ.

30\/34
Vivay M +m = —— +6.

Y V34
Chon dap an @ O
Cau 1850. Cho cac s6 phiic z; va 2z, théa man cac diéu kien |z; —i| = |21 —1+i| va |20 — 1| = |29+2i].
Tim gi4 tri nhé nhat cia biéu thic P = |2, — 29| + |21 — 3| + |22 — 3|7
4v/3 4+/2
A. P = T‘f B. P = T‘f C. Puin = 4V3. D. Puin = 4V2.

Loi giai.

Goi M, N lan lugt 1a diém biéu dién ciia cac sé phiic 2, = a + bi, 2o = ¢+ di (a,b,c,d € R). Ta c6
— |l —il=lan—-1+ied+0b-1)>2=@-1)>2*+0b+1)* = 2a—4b—1=0.
= M di dong trén dudng thing d;: 2z — 4y — 1 = 0.
— | —1=|n+2e (c-1) +d =+ (d+2)? = 2c+4d+ 3 =0.
= N di dong trén duong thang dy: 22 + 4y + 3 = 0.
Taco P =21 — 20|+ |21 = 3|+ |2 —3| = /(a— )2+ (b—d)>+/(a— 3>+ 0>+ /(c—3)>+ &*> =
MN + MA+ NA vé6i A(3;0).

Ay d

di
Ay
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Goi A; dbi xiing v6i A qua dudng thang d; A, déi xing v6i A qua dudng thang ds, ta co
MN+ MA+NA=MN+ MA; + NAy > A1 A,.

Diang thiic xay ra khi va chi khi bén diém M, N, A;, A, thing hang.
Goi A; la duong thang di qua diém A va vuong goc véi d;, ta c6 phuong trinh dudng thang A; 1a
20 +y—6=0.

5
, 20 —4y—1=0 T ==

Goi Hy = A1 Nd; = toa do diem H; 1a nghiém cta hé phuong trinh & 2
2r+y—6=0 y=1

5
- (31) >

Goi A, 1a duong thang di qua diém A va vudng goc véi da, ta c6 phuong trinh duong thing A, 1a
20 —y —6=0.

21
. ‘ 20 +4y+3=0 le_O
Goi Hy = AsNdy = toa do diem H, la nghiém ctia hé phuong trinh & 9
20 —y—6=0 y=—=
5
21 9 6 18
(D)0 )
0 \1975) T2\
6 2 18 2
Vay P = A1Ay = \/(g — 2) + (—g — 2) = 4v/2.
Chon dap én@ O

Cau 1851. Cho céc sb phiic w, z théa man |w + i| = % va bw = (2+1)(z — 4). Gia tri 16n nhat
ctia biéu thiic P = |z — 1 — 2i| + |z — 5 — 2i| bing
A. 4/13. B. 44213, C. 2v/53. D. 6V/7.
Loi giai.
Tt gia thiét ta co:

5w+ 5i) = 3VE < |(2+i)(z —4) +5i| =3Vb < |z —4 + |z — 34 2i] = 3.

52" 3v5

= &
2+i| 241

Goi M(a;b) 1a diém biéu dién s6 phitc z, suy ra M thuoc dusng tron (T') tam I(3; —2) ban kinh
R =3.

Goi A(1;2), B(5;2) va E(3;2) 1a trung diém ctia AB. Ta c6 P = MA+ MB.

Khi d6 P? = (MA+ MB)? < 2(MA%*+ MB?) = 4ME*+ AB?. y

Nhan thay F nam ngoai dudng tron (T), goi D la giao diém clia 9 A E B
tia doi ctia tia I FE va duong tron (T') suy ra M E < ED, v6i moi | |
M thuoc (7). i i
Mat khéc ta co: AB = (4;0), IE = (0;4) = AB L IE = DE = —51 /7 AN
R+IE=3+4+4=T.
= P? <AME? + AB? < 4DE? + AB? = 4-49 + 16 = 212. ol
= P < 2v/53, ddu “=" xay ra khi v& chi khi M = D.
Vay gia tri 16n nhat ctia biéu thic 1a Py = 2/53.
D
Chon dap an @ O
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Cau 1852. Cho s6 phiic z thod man dong thoi hai diéu kien |z — 3 — 44| = /5 va biéu thic M =
|2+ 2|” — |z — i|* dat gia tri 16n nhat. Modun ctia s6 phitc z — 2 — 4 bing
A. /5. B. 9. C. 25. D. 5.
Loi gidi.
Dit z =2 +yi,(Vo,y €ER) = [z =3 —4i| =6 (- 32+ (y—4)2>=5 (1).

Ta co6:

M = |z42)"—|z—i

(+22+y -2 —(y—1)2=4v+2y+3
4(x —3)+2(y—4)+23

< V20/(x —3)2 + (y — 4)2 + 23 = 33,
. -3 4 r=y=5=>2=5+5
Dau ” =" xay ra khi chi khi & = — két hgp véi (1) suy ra Y
y—4 2 r=1y=3=2=1+3i.
Thit lai ta ¢6 My =33 < 2=5+5i = |z —2—i| =5.
ChQﬂdépéﬂ@ O

Cau 1853. Cho s6 phiic z thod man |z — 3 — 4i| = /5 va biéu thic P = |z +2|? — |z — i|* dat gia
tri 16n nhat. Mo-dun ctia s6 phiic 2z bang
A. 10. B. 5V2. C. 13. D. V10.

Loi giai.

Dat z = 2 + yi véi 2,y € R va goi M(z;y) 1a diém biéu dién ctia z trén Oxy, ta c6

|z —3—4i|=vb & (z—3)2+ (y—4)? =5.

VaP=|z+2P—|z—iP=(z+2)2?+y*— 2> — (y—1)> =4 + 2y + 3.

= P=4dz+2y+3=[4(z—3)+2(y—4)]+23 < V22 +22-/(z —3)2 + (y — 4)> + 23 = 33.
x—3 Y- 4 _y T =95

Dau “=" x4y ra khi va chi khi 4 2 S qY=05
4(r—3)+2(y—4)=10

t=05.
Vay P dat gia tri 16n nhat khi z = 5 + 51 = |2| = 5v/2.
Chon dap an O

Cau 1854. Cho s6 phiic 2 théa man |z| =1 . Goi M va m lan lugt 1a gid tri 16n nhat va gia tri nho
nhit clia biéu thic P = |2z + 1| + |22 — 2 + 1| . Gi4 tri ctia M - m bing

1 1

A 133 g, 13v3 c V3 D 3V3
4 8 3 8

Loi giai,

Datt=]z+1] <|z|+1=2nént€[0;2]. Vi|z| =1nén z -z =1, suy ra

=+l +|P2—z+z- 2=z +1+]|z4+2-1]

Ta lai ¢6
=+1P=E+)E+1)=2+(2+2)

nén z+z=1*—2. Vay P = f(t) =t + |[t* — 3|, v6i t € [0;2]. Ta viét lai ham s6 f(¢) nhu sau:

ft) =

24t-3  khiv3<t<?2
2 4t4+3 khio<t< V3

Suu tam € bién soan Th.s Nguyén Chin Em 500 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Ta c6
e 2t + 1 kmv§§t<2fﬁ) Gy ]
— R e Rt = —.
—2t+1 khiO<t<V3 2
. s 1 13
Khi 6, £(0) =3; f {5 ) = f(V3) = V3 f(2) =3.
13 13v/3

VayM:Z;m: 3nénM~m:T\/_.
Chon dap an @ OJ
Cau 1855. Xét cic s6 phiic z; = 3 — 44, zp = 2+ mi, (m € R). Gi4 tri nh6é nhat cia mo-dun sd
phiic 22 bang

<1

2 1 3

A -, B. -. C. -. D. 2.

5 5 5

Loi giai.
\/ 4 2 2 z 2
Ta ¢6 |22 :@:i > —, Vm € R. Dau dang thiic xay ra khi m = 0.
21 |Zl| 5 5
. . . 2
Vay gié tri nho nhat cia mo dun so phiic 22 bang o
21

Chon dap an @ O

Cau 1856. Cho sb phiic z théa man diéu kien |z — 1 + 2i| = /5. Khi d6 s6 phiic w = z + 1 +1i ¢6

modun 16n nhat |w] . bing

A |W|max = 20. B. |0|max = 2V/5. C. |W|max = V5. D. |w|max = 5v/2.
Lo giai.
Tacé |z —1+2i|l=Vha|lw—2+i =vV5> |Jw| —[2—i] = |w| — V5= |w| <2V5, dau” =" xay
ra khi w =4 — 2i. Vay |w|max = 2/5.
Chon dap an O

Cau 1857. Cho hai s6 phtic 2, 2, dong thdi théa man hai dicu kien |z — 1] = V34 va |z + 1 +mi| =
|z + m + 24| trong d6 m € R, sao cho |z; — 25| 16n nhat. Khi d6 gia tri clia |2; + 29| bing

A V2. B. V130. C. 2. D. 10.
Lo giai.
Dit 2 = v +yi,z,y € R. |z — 1| = v/34 suy ra biéu dién clia z thuoc dusng tron tam I(1;0), ban
kinh v/34, [z + 14+ mi| = |z + m 4+ 2i| < (2m — 2)z + (4 — 2m)y + 3 = 0 (d) nén biéu dién ciia z

) . . 3 3\ .
thuoc duong thang d, dé thay d luon di diem K 573 co dinh.
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Biéu dién ctia 21, 2 & giao diém clia duong tron tam I va duong thang d, d& thiy |z; — 20| 16n nhat
khi d di qua I, khi d6 z; = —4 — 3i, 20 = 6 + 3i V& |21 + 25| = 2.
Chon dap an @ OJ

Cau 1858. Cho s6 phiic z théa man |2z — 3 — 44| = 10. Goi M va m lan lugt 1a gia tri 16n nhat va
gid tri nhé nhat cia |z|. Khi d6 M — m bang
A. 5. B. 15. C. 10. D. 20.
Loi giai.
Gia sit s6 phiic z = o + iy v6i z,y € R va diém M (z;y) 1a diém bicu dién s6 phiic 2.
Khi do
22— 3 —4i| =10 & |2(z + yi) — 3 — 4i| = 10 & |(2¢ — 3) + (2y — 4)d| = 10

suy ra

(20 —3)> + (2y — 4)> = 100 & (x—;)2+(y—2)2:25.

. 3
Do d6 tap hop diem M thudc dusng tron (C) ¢6 tam [ (5, 2) va ban kinh R = 5.

) 3\? 5 .
Ma |z| = OM, 6 d6 O la goc toa do. Do OI = (—) +22 = 5 Suy ra O nam trong dudng tron

2
. 5 15 . 5 O
(C).Dodomax|z|:O]—|—]M:§—|—5:?Vam1n|z|:IM—OI:5—§:§.
15 5
Vay M —m=— — 2 =5
wHTmmESTY
Chondépén@ O

Cau 1859. Cho sb phitc z = a + bi, (a, b € R) thoa man 4(z — z) — 15i = i (2 4+ z — 1)>. Tinh

P=—a+4bkhi |z — % + 3i| dat gia tri nho nhat.

A . P=T. B. P=6. C. P=5. D. P=4.
Loi giai.
Ta c6

4(z—2)—15i=i(z+2—1)°
& 4(2bi) — 15i = i(2a — 1)?
& 8b—15=(2a—1)°

2 4
15 15
Tfr(l)suyraQb—ZZO@b_—.
Ta co
1 2 1\2 21
Z— g +3i —<a—§) +(b+3)2:b2+8b+z.

. 21 15 .
Xét ham s6 f(b) = b* + 8b + 7T trén [g, —i—oo) ta c6 bang bién thién
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15
b — +00
8
f'(b) +
+00
£(b) 15 /
5
1oz apea L 1 . e s 12 14 : I R 1
Tt bang bién thién trén suy ra |z — 5 + 3¢| dat gia tri nho nhat khi b = 3 khi d6 a = 5
1 15
VayP_—a+4b——§+4 §:7.
Chon dap an @ O
Cau 1860. Cho s6 phiic z = cos2a + (sina — cos )i véi o € R. Gi4 tri 16n nhat cta |z] 1a
4 3
A 2. B. o C. V2. D. 2.
Lai giai.
Ta co
2| = \/cos2 2a + (sina — cos a)?

= \/1 —sin?2a + 1 — 2sinacosa
= /2 —sin?2a — sin 2a

PN , , 1 L 3
Dau bang xay ra khi va chi khi sin 2a = —5 Vay gia tri 16n nhat cia |z| 1a 7

Chon dap an O
Cau 1861. Trong mit phang phiic, xét s6 phiic z va s6 phiic lien hgp clia né ¢ diém biéu dién la
M, M'; s6 phiic z(4 + 3i) va s6 phiic lién hgp cia n6 c6 diém biéu dién lan lugt 1a N, N'. Biét ring
M, M, {V, N’ 1a bén dinh cta high ch® nhat. Tim gia tri ghé nhét cta |z + 4i — 5|4.

A. E B. E C. \/ﬁ D. \/—1_3
Loi giai.
Dat z = a + bi. Khi d6 z(4 + 3i) = 4a — 3b + (3a + 4b)i va
M (a;b); M'(a; —b), N(4a — 3b; 3a + 4b), N'(4a — 3b; —3a — 4b). b
MN = (3a — 3b; 3a + 3b).
Theo tinh chat déi xing thi M NN’M’ 1a hinh thang can. Do
d6 @& MNN'M’ 1a hinh chi nhat thi MN ciing phwong véi  3q + 4b
truc Oz hay 3a+30=0& b= —

Ta co

—3a — 4b

|z +4i =5 = /(a—5)2+ (b+4)?

v
= /(a—5)2+ (—a+4)? = V2a2 — 18a + 41

v
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PR 9 9 9
Dau bang xay ra khi va chi khi a = 3 hay z = 3~ 51
y vze . 1 9 9
Vay gia tri nhé nhat cua |z 4+ 4i — 5| bang 7 khi va chi khi z = 5 5@
Chon déap an @ OJ

Cau 1862. Cho s6 phiic z va w théa man z +w = 3+ 4i va |z — w| = 9. Tim gia tri 16n nhét cta
biéu thitc T = || + |w|.

A. maxT = /176. B. maxT = 14. C. maxT = 4. D. maxT = V/106.
Loi giai.
bat z=a+bi (a,b € R); w=c+di (¢,d € R).
Ta co

|z +w| =1[3+4i| =5
& |(a+bi)+ (c+di)| =5
l(a+c)+(b+d)i|=5
& (a+c)’+ (b+d)?* = 25.

i

lz—w| =9
< |(a+bi)—(c+di)| =9
(a—c)+(b—d)i| =9
& (a—c)*+(b—d)* =38l.

¢

Ta c6 hé phuong trinh
(a+c)*+ (b+d)?* =25
(a—c)*+ (b—d)* =81
{a2+2ac+02+62+2bd+d2 =25
N

a? — 2ac+ A + > —2bd + d* = 81
= a2+ +E+d*=53.

Theo bat déng thitc B.C.S ta c6

2]+ ol = |1+ V@ + 8 +1- VE+@| < /(12 +12) (@ + 82 + & + ) = V106,

21 4T, oL 7

Véi z = 1o + 0% =15~ EZ luon théa man gia thiét va [z| 4 |w| = v/106.
Vay max (|2] + |w|) = v/106.
Chon dap an @ O
Cau 1863. Cho s6 phiic z théa man |z + z| + |z — z| = [2%]. Gia tri 16n nhat cia biéu thic
P = |z — 5 — 2i| bang bao nhiéu?

A V2+5V3. B. v2+3V5. C. V5 +2V3. D. V5 +3v2.
Loi giai.
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Gia st 2 =  + yi (trong d6 z,y € R) c¢6 diém biéu dién 1a M (z;y).
Ta co
|2+ 2| + |z — 2| = |2?| & 22| + |2vi] = 2* +¢°
& 2z| + 2yl = 2* + o
[22 + 4% — 22 — 2y = 0 la dudng tron tam I;(1; 1) ban kinh r = V2

2% +y* — 22 + 2y = 0 1a duong tron tam I3(1; —1) ban kinh r = V2

(

2%+ y? 4 2z + 2y = 0 la dudng tron tam I,(—1; —1) ban kinh r = v/2
( .
(

|22 + 2 + 22 — 2y = 0 la dudng tron tam I,(—1;1) ban kinh r = v/2.

Ma P = |z —5 — 2i| = MA v6i A(5;2) va M chay trén 4 duong tron nhu hinh vé bén dudi.

Y

Dua vao hinh minh hoa, 16 rang Poa = IbA + 7 = +/36 + 9 + V2 =3vV5+ V2.
Chon dap an O
Cau 1864. Cho s6 phiic 2 = = + yi (z,y € R) théa man [z — 1+ 3i] = [z +3 —i| va P =
|z — 1 —2i] — |z + 1 —i]| dat gia tri l6n nhat. Tinh tong S = 23 + 3.

A. S=0. B. S =16. C. S =54. D. S =21.
Lo giai.
Goi M(z;y) 1a diém biéu dién s6 phiic z = 2 + yi, 7,y € R. Ta c6

|z —1+3i|=|2+3—i|©2xz—y=0.

Goi A(1;2), B(—1;1),khid6 P=||z—1—2i|— |z+1—i|| = |MA - MB.

Bai toan trd thanh: Tim M thudc dudng thang d: x — y = 0 sao cho |M A — M B| 16n nhat.

Xét P(z,y) =x —y, tacé P(A)- P(B) =2 > 0 nén A, B nam cung phia dbi véi d.

Goi I 1a giao diém ctia AB véi d, ta tim duge 1(3;3).

Ta c6 [MA — MB| < AB. Dang thitc xay ra khi M = I. Do d6 P dat gia tri 16n nhat khi toa do M
1a (3;3). Vayr =y =3va S =3+ 3% =54,

Chon dap an @ O
Cau 1865. Cho hai s6 phiic 21, 2, thoa man z; + 25 = 8 + 67 va |21 — 20| = 2. Tim gia tri 16n nhat

cia P = |z| + |2l
A. P... = 2V26. B. P... = 104. C. Poox =324 3v2. D. P, = 46.
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Lai giai.
Ta ¢6 |21+ 2f* + |z — 2 = 2 (|anf* + |2*) = (la] + |2))”
Suy ra P = |z1] + |22] < 2v/26, dau béng x4y ra khi

1719,
21| = |z a=gt g
21+ 20=8+606i & 21:§+%i‘

|21 = 22| = 2 5 =8+ 6i — 2

Vay Prax = 2v/26.

Chon déap an @ O
Cau 1866. Cho s6 phiic z = a + bi (a,b € R) théa |z + 4] 4+ |z — 4] = 10 va |z — 6| 16n nhat. Tinh
S=a+b.

A S=-3. B. S=5. C. §=-5. D. S=11
Loi giai.
Goi M(a,b) 1a diem biéu dién ctia s6 phiic 2. y

bat Fi(—4;0), F»(4;0), 1(6;0). Theo bai ra ta c¢6
|2+ 4|+ |z — 4] = 10 & MF, + MF, = 10.

Suy ra diém M thuoc elip c6 do dai truc 16n bang 10.
|z —6|=1IM <TA =11.

Suy ra |z — 6] 16n nhat khi M(—5;0).

Chon déap an @ OJ
Cau 1867. Goi z1, 23 1a hai trong tat ca cic s6 phiic thoa man diéu kién |(1 — 1)z — 3i + 3| =2 va
|21 — 22| = 2. Goi m, n 1an lugt 1a gia tri 16n nhat, gid tri nho nhat clia P = |21| + |22]. Gi4 tri cla
S =m3 + n? bang

A. 72 B. 90. C. 54. D. 126.
Loi giai.
Taco: |(i—1)z—3i+3|=2a|(i—-1)(z-3)|=2c|z—3| =2 y

Goi M 1a diém bicu dién cta z.

Ta c6 M nim trén duong tron (C) tam 1(3;0), R = /2.

Goi A, B lan lugt 1 diém biéu dién cho z;, zp. Ta cd |21 — 2| =2 & AB =
2.

Goi H la trung diém AB ta c6 tam giac IAB vuong tai I (theo dinh 1i
Pitago déo)

AB 2
= JH="==2=1. %
2 2

= H chay trén duong tron tam I ban kinh R = 1.
P =|z1|+ |2 =0A+0B< \/(12 +12)(0OA2 + OB?)
Mzt khéc theo cong thitc do dai duong trung tuyén ta c6
OA* + OB* =20H* + ABT 20H* + 2; =20H? + 2.
=maxP=0I+R=3+1=4minP=|0/—-R|=3-1=2=m=4n=2=5=064+8="T2.
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Chon dap an @ O

Cau 1868. Cho z = z + yi véi x,y € R la s6 phic thoa diéu kién |z +2 — 31| < |z +1— 2| < 5.
Goi M, m lan lugt la gia tri 16n nhat va gia tri nhé nhét cta bicu thic P = 22 + y? + 8x + 6y. Tinh

M +m.
156 156
A. = - 204/10. B. 60 — 20/10. C. - + 204/10. D. 60 + 20v/10.
Loi gii.

— F42-3i<|pti-2 e 2w ry+2<0.
— |z4+i—-2|<5e (x—2)*+ (y+1)? <25 1a hinh tron (Cy) tam [;(2; —1) va ban kinh Ry = 5.
— M(z) théa diéu kién dé bai < M € (S;): 1a phan gach chéo ké ca bien v6i A(2; —6), B(—2;2).
— P=2?+9y*+ 8+ 6y a?+y* +8x+6y — P =0. (1)
Xét diéu kien dé (1) 1a phuong trinh duong tron véi tam I(—4; —3) va ban kinh R = /25 + P.
(M) e
M e (C)
=40 - 20v/10 < P <20
Suy ra M +m = 60 — 20/10.

Chon dap an O

SILH-R <RLSIAS2V1I0-5< 25+ P <45

Cau 1869. Cho z;, 2, 1& hai s6 phiic thoa man hé thic ‘z -3 4z‘| =2 va ‘zl — 22} = 1. Tim gia tri

nho nhét cia bidu thic P = ‘zl‘z — ‘22‘2.
A. —10. B. 5. C. —6 — 2/5. D. —4 —3+/5.

L&i giai.
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Goi M, N lan lugt 1a diém biéu dién ctia s6 phiic z; va 2s. y "
M,N € €(I;2) véi I1(3;4
Tit gid thiét ta c6 (1;2) véi 13;4) N~
MN =1.
Ta thay
I
P = [za]*—|zf
) = (¢)
= OM*—-ON
= (OM - ON) - (OM + ON)
= NM-(OM +ON) 0
R — ” T
= 2-NM-0OJ, (v6i J la trung diem MN)
= 2.NM- (0l +1J)
= 2.NM-OI, (i MN 1 1J)
— 2.MN-OI-cos(NM,OI)
> 2.MN-OI-(~1)
> —10.
Chon dap an @ O

Cau 1870. Cho s6 phiic z thdéa méan |z — 1 + 2i| = 5. Phép tinh tién vec-to v (1;2) bién tap hop
biéu dién s6 phtic z thanh tap hop bicéu dién s6 phtic /. Tim P = max |z — 2/|.
A. P =15 B. P=20-/5. C. P =10+ V5. D. P =12.
Loi gii.
Xét hai duong tron (I;5) va (I';5) véi 1(1;—2),1'(2;0).
Khi d6 max |z — 2| = AB v6i AB la céc giao diém ctia dudng thang
IT' v6i (I;5) va (I';5) (A khong nam trong (I’;5) vd B khong ndm
trong (/;5)).
Khi d6 AB = 2R+ IT' = 10 + /5.

Chon dép an (C) O

Cau 1871. Cho hai sb phitc z; va 29 théa man |2y — 1+ 2i| = 1, |25 — 3 —i| = 2. Tim gia tri 16n

nhat clia |z; — 29| .
A. V13 +6. B. V13 +3. C. V13 + 4. D. V13 +2.

L&i giai.
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Gié sit 21 = a1 +byi va zo = ag+bei (V6i aq, by, ag, by € R).
— | —1+42=1& (a1 —1)*+ (b +2)* = 1.
Tap hop diém M; biéu dién 2z la duong tron tam
I,(1; —2) va ban kinh Ry = 1.
— |2 =3—i|=2% (as —3)*+ (by — 1)? = 4.
Tap hop diém M, biéu dién z, 1a duong tron tam 1
I5(3;1) va ban kinh Ry = 2.
Ma |21 — 25| = MiMy < CF = Ry + L[, + Ry = 1 +/13+

x
2=3+13.
Chon dap an O

Cau 1872. Xét cac s6 phiic z thda man )z + \/3‘ + ’z — \/3‘ = 2v/14. Goi m, M lan lugt 1a gia tri
nho nhat, gia tri 16n nhat cta )z + \/3‘ .Tinh P =m + M.

A. P =144 /5. B. P =25. C. P=2V14+2V5. D. P=2/14.
Lo gii.
— Goi N (z;y) 1a diém biéu dién clia s6 phic z, F} (—\/5; O) By <\/§, 0). Khi do

’z—k\/g‘—l—’z—\/g‘:2\/ﬂ(:)MF1+MF2:2\/ﬂ.

— M thuoc duong elip c6 hai tieu diem Fy, Fy va do dai truc 16n 2a = 2v/14 = a = /14.
— Tacb ‘z+\/3‘ — MF, =a+ S xy véi —v/14 < z < V14
a

. Vb . V5
—Tudosuyram—\/ﬁ—kﬁ-(—\/ﬂ)—\/ﬁ—\/gvaM—\/ﬂ—i-ﬁw/l_—\/ﬁ—F\/g.
— Vay P=m+ M =14 — V5 + V14 + /5 = 2V/14.

ChQﬂdépéﬂ@ O

Cau 1873. Cho s6 phiic z thod man|z — 3 + 41| = 2, w = 22 + 1 — i. Khi d6 |w| ¢6 gia tri 16n nhat

la

A 16 + V74, B. 2+ 1/130. C. 4+ VT4 D. 4+ /130.
Loi gidi.
— Tacbw=2z2+1-i0w=2(:z-34+4i+3-4)+1—-icw—-T+9=2(z—3+4).
, . , Tam I(7;—-9)
— Tasuyra |jw—749i] =2z —3+4i| & |w—T7+ 9] =4 = w € dudng tron {R—4 :

— Vay |W|max = O + R = /7> + 92 + 4 = 4 + /130.
Chon dap an @ O

Cau 1874. Cho s6 phiic z théa méan |z — 2 +i| + |z + 1 — | = V/13. Tim gia tri nh6 nhat m cta
biéu thic |z + 2 — il.
2v/13 V13 1
A m=1 B m=—— C.m=———. D m=—.
13 13 13
Loi giai.

Suu tam € bién soan Th.s Nguyén Chin Em 509 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Diat z =2 +yi (2,y € R) = M(z;y) biéu bién s6 phic 2.

y
Xét A(2;—1), B(—1;1), ta c6 AB = /13.
Dolz—241i|+|z+1—i=+v13= MA+ MB = /13, suy ra 2t
M nzam trén doan thing AB. c B
Lay diém C(~2;1), ta c6 |2 +2 — i| = MC. <!
Vi BC-BA < 0= AABC ti tai B. Do d6 |z +2 —i| dat gia trj __| - 12
nhé nhét khi M tring véi B hay z = —i +4. Vaym=BC =1. 0O T
S 1 S N
A
Chon dap én@ O

Cau 1875. Cho sb phiic z théa man |z +2z| < 2 va |z — 2| < 2. Goi M, m lan lugt 1a gia tri 16n
nhat, nhé nhat ctia biéu thic T = |z — 2i|. Tinh tong S = M + m.

A. S =1+10. B. S =2+ +/10. C. S =4. D. S =1.
Loi giai.
Goi z = x 4+ yi, x,y € R, khi dé ta co Yy
— z+z|<2e 22| <2& |2 <1
— r—zF<2e 2| <2 |y < L. 211

Tt d6 ta co, tap hop 2 1a phan gach soc hinh vé bén.

Goi M la diém bieu dién cho s6 phiic z, suy ra M thuoc mién

gach soc.
Lay 1(0,2), suy ra T = |z — 2i| = IM, tit d6 suy ra Tha =
IA=1IB=+10vaTy,,=1H =1.

Vay S =M +m =1+ /10.
Chon dap an (A) O

Cau 1876. Cho s6 phiic z théa méan |z + 1| + |z — 3 — 44| = 10. Tinh gia tri nhé nhat P, clia biéu
thite P = |2 — 1+ 2i].

A. Pyin = V17 B. Py = V34 C. Puin = 21/10. D. Puin =
L&i giai.

V34
—

Gia st diem M (x;y) 1a diém biéu dién ctia sd phiic
2, 1y diém A(—1;0), B(3;4) va I(1;2). /

Ta 6 |2+ 1]+ ]z — 3 —4i] = 10 < AM + BM = 10,

Suy ra quy tich diém M la dudng elip véi truc lén &J
2a = 10 va hai tieu diém A(—1;0), B(3;4).

Nhan thay, I la trung diém ctia AB, suy ra I 1a tam déi xtng cia elip.
Mit khac P =1z — 1+ 2i| = IM, suy ra Py, = b, v6i b 1a ban truc nho.
Laic6 2c=AB = c=2V2, ttdosuyrab®> =a?> — 2 =25—-8 =17 = b= /1T7.

Vay ta c6 Py, = V1T,

Chon dap an @ O

M

Cau 1877. Cho sb phiic z va 2/ thoa méan |z — 3 — 2i| = 1, |2/ +i| = |2/ — 1 — 4|. Gia tri nho nhéat
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cia P = 2—5—2' + |z =2 1a
A V510 g V55 c. W5 p V5+5
) ) 5 )
Loi giai.

Gid st z = x + yi, 2/ = 2’ + /i v6i x,y,2',y € R. Tu gid thiét ta c6 (v —3)? + (y —2)? = 1 va
27" + 4y’ — 1 = 0. Nhu vay tap cac diém biéu dién z la dudng tron (C) tam I(3;2), ban kinh R = 1
va tap cac diém bicu dién 2’ 1 duong thang d : 2z + 4y — 1 = 0.

N 2 2 ~ 5 2 2 ~ 5 .
Goi A(z;y) va B(2';y') 1an lugt 1a diem bieu dién cta z va 2/, C' = (5, 1) la diem bieu dién cta 3¢
va, H 1a hinh chiéu ctia C' lén d. Nhan thay rang /CLd. Tac6 P = AB+AC > BI —AI+CI—1A >

1 1
HI— AT+ CI—Ta= 13 [ Y5 _,_9V5-10

25 2 5

Dau bing x4y ra khi va chi khi H = B va A la giao ctia doan thing IC vé6i duong tron (C).

Chon dap an @ O

Cau 1878. Cho hai sb phiic 21, 2, théa man |z; +1 —i| = 2 va 23 = i2;. Tim gid tri nho nhat m
clia biéu thiic |z; — 2.
A-m=+v2-1. B. m=2. C. m=2V2-2. D. m = 2V/2.
Loi giai.
Goi A, B lan luot 1 cac diém biéu dién s6 phtic z; va 2. Do 2, = iz; nén B la anh clia A qua phép

quay tam O géc 90°. Khi do, tam giac OAB vuong can tai O nén
Ta co

2=z +1—id| <|z|+|1—i| = || + V2
= ’21|22—\/§.

Dau béang xdy ra khi |z1| = (\/5— 1) — (\/§ — 1) i

Vay gia tri nhé nhat clia [2; — 2| 1a v/2 <2 — \/§> =2v2 - 2.

Chon dap an @ O
Cau 1879. Cho 2 s6 phtic z1, 22 théa man |z +5| =5, |22+ 1 — 3i| = |22 — 3 — 6i|. Tim gia tri nho

nhat clia |21 — 2.
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2 2
A D B V2 c p. V2
2 2 2 2
Loi giai.
e Goi M, M, lan lugt 1a cac diém biéu dién sé phic 21, zo. Ta c6 M,
thuoc duong tron (C): (z +5) + y> = 5 va M, thuoc duong thang
A: 8x + 6y — 35 = 0.
° ’21 — 22’ = M Ms;. Do doé |2’1 — ZQ’ dat GTNN < M, = M, My = H.
15 5
Ta c6 |zl—22]:MH:d(I,A)—R:7—5:§.
M
A H
Chon dap an @ O

Cau 1880. Cho s6 phric z thoa man |z — 4|+ |z + 4| = 10. goi M, m lan lugt la gia tri 16n nhat, gia
tri nho nhat cta z. Tinh M + m.

A M+m=2. B. M+m=28. C. M+m=09. D. M+m =34
Loi giai.
Goi A(x;y) 1a diém biéu dién ctia s6 phiic z = z + iy. Ta c6

|z —4|+ |2+ 4 =10 < \/(x—4)2+y2+\/(x+4)2+y2 = 10.

Nén diem A la diém théa man AF) + AF, = 10, véi Fy(4;0) va Fy(—4;0). Do dé tap hop cac diém
A la elip (E) v6i tiéu cu 2¢ = 8, do dai truc 16n 2a = 10, do dai truc nhé 2b = 2v/a? — ¢ = 6.
Khi d6 m = OApim =b=3va M = OAy. =a=5. Vay M +m = 8.
Chon dap an O
Cau 1881. Cho s6 phiic z théa méan |z — 1+ 3i|+ |z +2 —i| = 8. Gia tri nhé nhat m cla |2z + 14 24|

la

A m=4 B. m=09. C. m=28. D. m = /39.
Loi giai.
Goi A, B, M,C lan lugt la diém biéu dién cta cac sb6 phic 1 — 3i, —2 + i,z va —% — i. Khi dé,
MA+ MB = 8 va ta can tim GTNN cua 2MC.
Dé y ring C la trung diém ctia AB nén 4MC? =2 (MA? + MB?) — AB? > (MA+ MB)? — AB? =
64 — 25 = 39. Vay, GTNN can tim Ia V39, dat duge khi MA = MB = 4, titc M la giao diém ciia
duong trung triyc cia AB va duong tron tam A, ban kinh 4.
Chon dap an @ O

Cau 1882. Xét cac so phiic z, w théa man |z — 1 — 31| < |z + 24| va |w + 1 + 3i| < |w — 2i|. Tinh

gia tri nhé nhat ctia biéu thiic P = |z — w).

A. minP:i. B. minP:ﬂ. C. mianﬂ. D. minpzﬁ.
13 13 4 2
Loi giai.

Goi z=x+yi (x, y € R). Ta cod
2 —1—3i| < |2+ 2i|
& (@-1)2+(y-3° <2+ (y+2)?
& o+ o5y > 3.
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Suy ra tap hop s6 phiic 2 1a mién nghiém (F;) ctia bat phuong trinh z + 5y > 3 (phan gach soc).
Goi w=a+bi (a, b €R). Ta co
lw+ 14 37| < |w— 2i|
& (a+1)P+(b+3)°<a’+(b—2)°
& a+5b < -3.
Suy ra tap hgp sb phtic w 1a mién nghiém (F,) ctia bat phuong trinh z + 5y < —3 (phan gach soc).

A AR AP
77

Goi M, N lan lugt la diém bicu dién ctia s6 phiic w, z. Suy ra M € (E;) va N € (E)).
Ta c6
P= \z—w| =MN = min P = d(dl,dg),
trong do
di:x+5y—3=0vadsy: x+5y+3=0.
Chon N(3;0) € dy, suy ra
13+5- 0—|—3| 3v/26
V1+25 13

d(dy, dz) = d(N, dz) =

3v/26

Vay min P = BT

Chon dap an O
Cau 1883. Tap hop céac diém biéu dién s6 phiic z trong mat phang toa do Ozy la dudng thing cé
phuong trinh v/3z — y — 2018 = 0. Tim gia tri nhé nhéat ciia P = |z — 2v/3 + 2.
1 2 101
A minP = % B. min P = %\/3 C. min P = 1013. D. min P = 1005.
Loi giai.
Goi z =z 4 yi, x,y € R.
Ta co
P = ‘x+yz’—2\/§+2i‘
- ’x—i— (V3x —2018) i —2v3 + 2i
= \/4x2 — 4036v/3z + 20162 4 12

_ \/ (20— 1009v/3)" + 10052

> V10052 = 1005.

. 1 1
Vay gia tri nho nhat ctia P = 1005 khi z = Oogﬁ — 02091'.

Chon dap an @ O
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Cau 1884. Cho s6 phiic z = z+yi (z,y € R) ¢6 mo-dun nhd nhat théa man dieu kien |z — 4 — 2i| =
|z —2|. Tinh P = 22 4 y*.

A. 32. B. 16. C. 8. D. 10.
Loi gidi.
Taco |z —4—2i=|(z—4)+ (y—2)i = \/(:U—4)2+(y—2)2.
Tuong tu |z — 2| = |(z — 2) +vi| = /(2 — 2)* + 2.

Do gia thiét ta co
e-d-2=l-2 & V-9’ +@-2"=V@-2"+y
& (@T—4)+@y-2"=@-2"+¢
o 22 —8r+ 16+ —dy+d=2>—dx+4+4°

&S r+y—4=0&y=4—u=x.

Khido P=a22+ (4—x2)° =222 -8z + 16 =2(z — 2)* + 8.
Vi (m—?)2 >0, Vr € Rnén P > 8, Vz € R. Dau dén thiic xdy ra khi x = 2 suy ra y = 2. Vay
min P = 8.
Chon dap an @ O
Cau 1885. Tréen hé toa do Oxy, goi M la diém biéu dién s6 phiic z ¢6 mo-dun 16n nhat théa man
|z + 4 — 3i| = 5. Toa do diem M la

A. M (-6;8). B. M (8;—6). C. M (8;6). D. M (-8;6).
Lai giai.
Gia st z = a+ bi v6i a,b € R ta co

||z — |4 =3i|| < |z +4—3i| < |z| + |4 — 3]

Ma |4 — 3i| = /42 + (—3)2 = 5 va do gia thiét ta suy ra 0 < |z| < 10. Do d6 max |z| = 10 khi

|z| =10 a? +b* = 100
. = 2 2
|z+4—-3i|=5 (a+4)°"+(0b—-3)"=25

{a2+b2:100 {a2+62:100
p=—

=
a>+8a+16+1b>—6b+9=25 4a — 3b = —50
4 2
a + b* = 100 a2—|—( a_;)_50) — 100
~
p— At 50 4a + 50
3 b=
3
9a? + (4a + 50)* = 900 9a® + 16a* 4 400a + 2500 = 900
< , _ dat50 < , _ da+50
-3 3
a* 4 16a + 64 =0 0= —8
=4 =4
, _ dat50 -
3
Suy ra s6 phiic z = —8 + 6i théa man bai toan. Do d6 toa do diém M (—8;6).
Chondépén@ O

Cau 1886. Cho sb phiic z théa man |z — 3 — 4i| = /5. Goi M va m lan lugt la gia tri 16n nhat va

gia tri nhé nhat ciia biéu thitc P = |z + 2|? — |z — i|?>. Modun ctia s6 phitc w = M + mi la
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A |w| = 3137, B. |w| = V1258, C. |w| = 2v/309. D. |w| = 2v/314.
Loi giai.
Goi z = a + bi. Khi d6 ta ¢o
P=la+2+0bil*—|a+ (b—1)i|?

=(a+2)*+b —a’>—(b—1)?

—a’+da+4+0—a* b +20—1

=4a + 2b+ 3.
Vay P = 4a + 2b+ 3.
Tacéla—3+i(b—4)=vV5=la—3+i(b—4)>=5= (a—3)>+ (b—4)?=5.
a:3+\/gsint
b=4+5cost
= P =4+/5sint + 2v/5cost + 23.
Xét f(t) = 4+/5sint + 2v/5 cost.
Chia hai vé ctia f(¢) cho \/(4\/5)2 + (2v/5)2 = 10.

t 2vH 5
= % = %_sinth\/?_cost.

2 2 _
) 5 5 ) CoOSu =
Vi (—\/_) + (£> = 1 nén ta c6 thé dat

Do dé ta c6 thé dat { , V6i t € [0; 7]

E g véi u € [0; 7.

sinu =

NETEES

t
Khi do % = cosusint + sinu cost = sin(t + u).

t
Vl—lgsin(u—l-t)glnén—lg%g1:>—1()§f(t)§10:>13§f(t)+23§33

hay 13 < P < 33.
Suy ra M =33;m =13 = w = 33 + 13i.
Khi d6 |w| = v/33% + 132 = /1258.

Chon dap an O

Cau 1887. Cho s6 phiic z thda méan |z — 2 — 2i| = 2. Tim gia tri nhé nhat ctia biéu thic P =
2 —1—i|+|z—5—2i|.

A. 1+/10. B. 4. C. V1T. D. 5.
Loi giai.
Goi z = x + yi véi 7, y € R ¢6 diem bicu dién 1a M (xz;y). Y
S6 phitc 1+ i, 5+ 2 ¢6 diém biéu dién lan lugt 1a A(1;1), 51
B(5;2).

Ta co |z —2—2i] =2 & (x —2)* + (y — 2)* = 4 1a phuong
trinh dudng tron tam 7(2;2) ban kinh R = 2.
P=l|s—1—i|+|z—5—2i|=MA+ MB.

Nhan xét: A nam bén trong dudng tron tam I, B nam ngoai

duong tron tam 1.

Dura vao hinh vé ta c6 MA+ MB > AB. Dau “=" x4y ra khi
M la giao diém ctia doan AB va duong tron tam I.

Khi d6 min P = AB = /(5 —-1)2+ (2 —1)2 = /17.

Suu tam € bién soan Th.s Nguyén Chin Em 515 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

Chon dap an @ 0

Cau 1888. Cho s6 phiic z théa man |z| = 1. Goi m, M lan lugt 1a gia tri 16n nhat, gia tri nhé nhat
cia P=|2°+72%+ 62| — |2+ 1|. Tinh M —m

A M—-—m=1. B. M—m=3. C. M—m=6. D . M—m=12.
Loi giai.
Taco |zl =1 2 =122+722€eRva -2<22+72 <2
Taco P =

= |22+ 2+ 62 — 2" + 1
=3
z(z4+z—+6) zQ(ZQ—i—lQ)'
z ¥
= | +7+6| - |2+ 7
= |2+ 4] - |2+ 2

= (24+7) +4-2|2+7
= (|2 +22|-1)°+3.

Khido m=3; M =4. Vay M —m = 1.
Chondépén@ O

Cau 1889. Cho s6 phiic z = x + iy (x,y € R) thda man |22+ 1] = |(z +1)(z +2)|. Khi 2z ¢6 mo-dun

nhé nhét hay tinh gia tri ctia biéu thic P = 22 + 2y.
4 4
A.P:i B.P=——. C.P=—. D.P:—i
25 25 25 25
Loi giai.

Taco |22+ 1=z +i)(z+2)| & |z +i|lz —i| = |z +i]]z + 2| & .
|z —i] =]z +2|

— V6i z = —itaco |z| =1

— V6i 2 thoa |z —i| = |z + 2| thi tap hop z la dudng trung tryc d ciia doan thiang AB véi A(0;1),
B(—2;0). Khi d6 z ¢c6 mo-dun nhé nhat khi diém biéu dién ctia z 14 hinh chiéu vuong goc ciia
O lén d.
Ta ¢6 phuong trinh d: 2z +y + g = 0. Goi H la hinh chiéu vuong goéc ciia O trén d, phuong

trinh OH: z — 2y = 0. Suy ra H <—§; —3)

5 10
. 3 3
Tt hai truong hgp trén ta c6 moé-dun z nho nhat khi z = 5 EZ
3 6
S =——y=——=~Pr=——
R TV 25
Chon dép an (D) O

. 1 £y p 1.2
Cau 1890. Cho hai s6 phtic z;, 22 thoa man |iz; + \/§| =3 va 29 = 1z1. Gia tri nhé nhat cia bieu

thitc |21 — 23| bing
1 1 1 1
A 24 —. B.2— —. C. V2— —, D. V2+—.
NG NG V-5 V2t s

Lai gidi.

1
Taco 5 = liz1 + V2| 2 [lin| = v2| = ||zl - V2|

1 1
Suyra|z1|—\/§2—§(:)|zl|2\/_—§.
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. ) 1 1
Do d6 |21 — 22| = |21 —iz1| = [(1 — i)z | = \/5]21] > \/§<\/_— 5) =2 — %

. ) 1
Dau dang thic xay ra khi z; = <\/_ — —) 7.

2
Chon dap an O
Cau 1891. V6i céc s6 phitc 2z théa man |(1+4)z 41— 7i| = /2, hay tim gia tri 16n nhat ctia |z|.
A. max|z| = 3. B. max|z| = 4. C. max|z| = 7. D. max |z| = 6.
Loi giai.
Diat z =a + bi =, v6i a,b € R. y
Khi dé
(144)z +1—7i| =2 /
e J(1+i)(a+bi)+1—Ti=v2
& (a—b+1)2+(a+b-T72%=2"
S a4+ —6a—8+24=0
Do d6, |2|max = O + R=5+1 = 6.
0 T
Chon dap an @ O

Cau 1892. Xét cac sb phiic 2 théa man |iz — 3| = |z — 2 — i|. Tim phan thyc ctia s6 phiic 2 sao cho

|z| nh6 nhat.

1 2 1 2
A —. B. ——. C. —. D. —.
5 ) 5 5
Lo giai.
Goi z =z +yi, véi z,y € R.
liz—=3|=]z—2—1] & |ri—y—3|=|x—2)+ (y— 1)
& Py +3)=@-2"+@y -1’
& r+2y=—1lrv=-2y—-1
. > 22 11
Khi do, |z|:\/x2—|—y2:\/(—1—2y) +y?=4/5 y—l— 3 N
1 2 1
Suy ra, |z| . = % khiy = —= = 1= —
Chon dap z’m@ OJ
Cau 1893. Trong céc s6 phiic z thod man diéu kién |z + 1 — 2i| = |z — 4|, tim s6 phiic z c6 mo-dun
nhoé nhat.
A z=-1+1. B z2=-1—-u. C.z=1—1. D . z=1+u.
Lo giai.

Taco|z+1—-2il=|z—i| e (rz+1)2+@y—22=2>+y—1)2z—y+2=0.

Vay tap hop sb phiic z thoa diéu kieén dé bai 1a dudng thang d: v —y + 2 = 0.

Goi A 1a dudng thang qua O va vuong goc véi d. Phuong trinh dudng thang A: z +y = 0.
r+y=0 r=—1

Goi H = ANd. Toa do H la nghiém hé phuong trinh { & { .Suyra H(—1;1).
r—y+2=0 y=1

Do dai OH 13 mo-dun nhé nhat clia s6 phiic z thoa yéu cau bai.

Vay s6 phiic thod yéu cau bai la z = —1 + 4.

Chon dap an @ O
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z2+z

Cau 1894. Trong tat ci cic s6 phiic z thoa man diéu kién |z+1] =

+ 3‘, goi s0 phiic z = a+bi
(a,b € R) la s6 phtic ¢6 mo-dun nhd nhéat. Tinh S = 2a + b.

A. 0. B. —4. C. 2 D. 2.
Ldi giai.
Tac6 |z + 1| = Z+Z+3 S J/(a+1)?2+02=/(a+3)> = b =4a+8.

Lai ¢6 |z| = Va2 + b2 = Va? + 4a + 8 nhé nhéat khi a = —2 = b = 0.

Vay S =2a+ b= —4.

Chon dap an O
Cau 1895. Cho s6 phiic z théa méan |z + 2 —i| + |z — 4 — 7i| = 63/2. Goi M, m lan lugt la gid tri
16n nhat va gia tri nho nhat cta |z — 1+ 4|. Khi d6 P = M? + m? béng

171 171 1 1

A. L B. L C. E D. ﬂ
2 4 4 2

Loi giai.

Giad st 2 = o + yi v6i x,y € R. Goi P, A, B lan luct 1a

diém biéu dién cho cac sé phic z,—2 +i,4 + 7i. Khi d6 y

PA=|z+2—1
P(x;y), A(=2;1),B(4;7) va ¢ PB = |z — 4 — Ti

AB = 6V2.

T désuy ra |z +2 —i|+|z — 4 — 7i| = 6v/2 & PA+PB =
AB hay tap hop cac diém P biéu dién cho s6 phic z la
doan thang AB.

Goi K la diém biéu dién s6 phitc 1 —i = K(1;—1), khi d6
KA=+13,KB=+/73va |z —1+1i| = PK.

Ta c6 M = max{KA, KB} = /73. I
Dé thay tam giac KAB la tam gidc c6 ba goc nhon, do A K->
d6 hinh chiéu vuong géc H clia diem K trén duong thang !
AB nam trong doan AB, do d6 m = KH = d(K, AB).

Duong thing AB c6 phuong trinh zig = 3;:1 hay z —y+3=0.
Do do d(k, Ap) = L= CEDH3L 5 5
V2 V2 V2
VayM2+m2:73+%:12£.
Chon dap an (A) O

Cau 1896. Cho s6 phiic z thda man |z| < 2. Gia tri nhé nhat ctia P = 2|24+ 1|42|z— 1|+ |z —z — 44|
bang
14 7

A. 442V3. B. 2+ 3. C. 4+ —. D .2+ —.
V15 V15

Loi giai.
Giastz=a+yi véiz,y €R. Tacod |z| <2 2?+y*> <4. Suyraxz,y € [-2;2].
Khi do

P=2/(z+ 12 +y2+2\/(x — 1)2 + 24+ 2ly—2| = 2 (\/(a:+ 12 4 2 + /(1 — )2 +y2)+2\y—2y.
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Bing phép bién ddi tuong duong véi chi ¥ |x| > z, ta c6: V6i moi s6 thuc a, b, ¢, d,

V@ F R+ VETE > \(a+)? + (b+d)2

déu “=" xay ra khi ad = be > 0. Ap dung bat dng thic nay véia =z +1,c=1—xz,b=d =y va

tinh chat clia gia tri tuyet doi ta co

P>2\/(z+1+1—a2+ (y+y)?+202—y) =41+ 42— 2y + 4
. 1
Xét ham s0 f(y) = 44/1 + y% — 2y + 4 lién tuc trén [-2;2]. Tacd f'(y) =0 &y = i% € [-2;2].
1

\/g) =4+2V3, f (—i) 24—1—2. Suy ra min f(y) =

Ta c6 f(2) =4V5, f(—2) =4V5+38, f < V3 V3 [—2;2]

4+2\/§=f<%>.

(x4+1y=y(l—2)>0
Khi d6 P > f(y) > 4+ 23, Vy € [~2;2]. Dau bing xay ra & (2~ ¥ =0 o
1
T
x=0
1 . Vay gia tri nhé nhét ciia P bing 4 4+ 2v/3.
V3
Chon dap én@ O

Cau 1897. Trong céc s6 phiic z théa man |z — 2 + 4| = [z + 1 — 44|. Tim phan thuyc clia s6 phiic c6
mo-dun nho nhét.
A —1. B. -2 C. 4. D. 3.
Loi giai.
Gidstz=x+yi véi x;y € R, khido tacod |z —2+i| = |2+ 1 — 4
o /@-22+w+1)?=V@+1>+@y+4?or=—2—y
Taco|z| =22+ 12 =\ 2 +y)’ +12 = V22 +dy +4 =2y +1)* +2> V2.
Déu bang xdy rakhiy = —1 = 2 = —1.
Chon dap én@ O

Cau 1898. Cho s6 phiic z thdéa méan ]z -2+ 32" = /5. Goi m, M lan luct 1a gia tri nhé nhat va
16n nhat ctia biéu thitc P = |z+i|2 — ’Z — 2|2. Tinh A=m+ M.

A A=-3. B. A=-2. C. A=5. D. A = 10.
Lo gidi.
Dat z=a2+iy (z,y €R) thi |z —243i| = V5 < [z +iy—2+3i| = V5 & (v —2)*+ (y+3)> = 5.
P = }z+i|2—‘z—2|2: |x—|—iy—|—i‘2—|x—|—iy—2}2:x2+(y+1)2—(x—2)2—y2:4x—|—2y—3.
itz =2+ \/Ssint, y=-—-3+ \/gcost, t € R.
= P = 4(2—1— ﬁsint) + 2 (—3—1— \/gcost) —3=45sint + 2v/5cost — 1.
(P+1)2 = (4VBsint + 25 cost) < (8042001 = ~10< P+1<10= 11 < P <9,
Vay A= —-114+9=-2.
Chon dap én O
Cau 1899. Xét s6 phiic z va s6 phiic lien hgp ctia né c6 diem bicu dién 1a M, M’. S6 phitc z(4 + 3i)
va s6 phtic lién hgp clia n6 c6 diem biéu dién lan lugt 1a N, N’. Biét rang M, M’, N, N’ 1a bén dinh

ctia hinh chit nhat. Tim gi& tri nh6 nhat cta |z + 4é — 5|.
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2 1 5 4
A —. B. —. C. —. D —.
Loi giai.

Dat z = a+bi. Khi dé, cac diém M, M’, N, N’ lan lugt c6 toa do M(a,b), M'(a, —b), N(4a — 3b, 3a +
4b), N'(4a — 3b, —3a —4b). Vi M, M’ N, N’ lan lugt 1a 4 dinh ctia mot hinh chit nhat nén c6 2 trudng
hgp xay ra.
— Truong hop 1: T giac MM'N’N la hinh chit nhat.
— Truong hop 2: T giac MM’ NN’ 1a hinh chit nhéat.
Tacé P = |z+4i— 5| = |z — (5 — 4i)|. Dat K(5;—4). Khi d6 P = |MK].
Goi I la giao diém ctia hai dudng chéo ctia hinh chit nhat.
Vi M déi xing véi M’ qua truc Oz, N déi xtng v6i N’ qua truc Oz nén I thuoc truc Oz hay diém
I ¢6 tung do bing 0.
Truong hop 1: T giac M M'N'N la hinh chit nhat.
Tung do ciia diém I bing 0 nén —3a —3b=0<a+b=0.
Do d6 diém M thuoc dusng thang d;: x4+ y = 0.
Doan M K ngan nhat c6 do dai bang khoang cach tit diem K dén duong théang d; va bing
5-1—4-1] 1
VETE 2

Truong hop 2: T giac M M’'N N’ 1a hinh chit nhat.

Tuong ti trusng hop 1, ta dude diem M thudc duong thang dy: 3z + 5y = 0. Doan thang M K ngin
13-5+5-(—4)] 5

V3 tr5 \/3_41'

Vay gia tri nho nhat cta |z +4i — 5| = —.
y g | | 7
Chon dép an (B) O

nhat c6 do dai 1a

Cau 1900. Cho s6 phiic z thda man |z — 2 4 3i| + |z + 2 +i| = 2¢/5. Tinh gi4 tri 16n nhét cia
P =z —4+ 4.
1
A Pp= 2
)
Loi giai.
Gid st z = v + yi, M(z;y), A(2;-3), B(—2;—1), 1(4; —4). Khi d6 ta c6
|2 —243i|+ |z +2+i| =2V5
er =22+ 3P+ /(e + 22+ (1) =25 4
& AM + BM = 2v/5.

B. P,.. = 50. C. P = 34. D. Po.. = 3V5.

Mat khac, AM + BM > AB = 2+/5, két hop véi (1) suy ra dau bing xay ra khi va chi khi M nim
trong doan AB. (2)
Kiém tra ta thay 1A = (—2;1) va 1B = (—6;3) cting phuong, suy ra A, B, I thang hang.

Tt d6 suy ra P = IM dat gia tri 16n nhat khi M trung A hodc B.

Tacé IA=+5valIB = 3\/3, suy ra Ppa.x = 3v/5.

Chon dap an @ O

s . . : R N SR )
Cau 1901. Biét rang hai so phiic 21, 2o théa man |z; — 3 — 4i| = 1 va |29 — 3 — 4i| = 7 S0 phiic z ¢6

phan thuc 14 @ va phan 4o 14 b thoa man 3a—2b = 12. Gia tri nh6 nhat cia P = |z — 21|+ |z — 229|+2
bang
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V994 /994
?? 5. B. P, =5—2V3. C. P, = % D. P, =5+ 2V/3.

A. Py, =
Lo giai.
Dat z3 =229 thi |23 -6 —8i| =1va P = |2 — 21| + |z — 23| + 2.

Goi M, A, B lan lugt 1a cac diém biéu dién cho z, z; va z3. Khi do:
Diém A nim trén dudng tron (C;) ¢6 tam I, (3;4), ban kinh R, = 1;
Diém B nam trén dudng tron (Cs) c6 tam I3 (6;8), ban kinh Ry = 1
Va diém M nam trén dudng thang d : 3z — 2y — 12 = 0.

Bai toan trd thanh tim gia tri nhé nhat cia P = MA + MB + 2.

(Cy)
(C3)
I
A
d
H M
A/
I
(C1)

Ta kiém tra thay (C}) va (C3) nim ciing phia va khong cat dudng thang d: 3z — 2y — 12 = 0.
Goi duong tron (C]) ¢6 tam I; va ban kinh R} = 1 d6i xting véi (C}) qua d.
Diém A’ dbi xiing v6i A qua d thi A’ thuoc (C}).

72 30 105 8
Ta c6 I117: 2x 4+ 3y — 18 = 0. G01H—]1I’ﬂd:>H<13 E) suy ra I} I3 1—3)
Taco P=MA+MB+2=MA +MB+2=(MA +R)+ (MB+ Ry) > M + I;M > I'I;.

994

£

Tit d6 P, khi cac diém I, I3, A’, B va M thang hang v Py, = 1113 =

13
Chon dép &n (C) O
Cau 1902. Goi M va m lan lugt 1a gia tri 16n nhat va nhé nhat clia P = Zrt , v6i z 1a s phiic
2 N 2 ~ P s 2 M
khéc 0 va théa man |z| > 2. Tinh t1 s6 —
m’
M M M M 1
A — =5. B. —=3. C.—:§. D —=-.
m m m 4 m 3
Loi gidi.

V6i z 1a s6 phitc khac 0 va théa man |z| > 2, ta ¢6
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__ p_ z4+1 :|z+i| |z|+|z’|:1+i§1+1:§'
2z || || |2 2 2
3 3
Rérangkhiz:%thiP:§.DodéM:§.
__p_ z+1 _|Z+i|Z||Z|_|i||:1_i21_1:_
z || 2| 2| 2 2
1 1
R()rangkhiz:—%thiP:E.Dodém:a
3
v -
Nhu’vayz—:%:?).
m p—
2

4

Chon dap an

Cau 1903. Trong cac s6 phtic z ¢6 phan 4o duong théa man |22 + 1| = 2|z, goi 2; va 2, lan lugt 1

cac sO phiic ¢c6 mo-dun nhé nhat va 16n nhat. Khi d6 mo-dun ctia sd phiic w = 21 + 2 13

A Jw| = 2V2. B. |w|=2. C. |w| = V2. D. |w| =1+ V2.
Loi giai.
|22+1}:2|z|<:)‘22+1‘2:4|z|2
& 4|z[2:(22+1) (z2—|—1>
& (P41 (F+1) =422
e (22242242 +1—-42-2=0
& 242+ (2-2)°-6(2-2)+1=0
& 242+ =6z +1=0
& ' =6z +1=—(2+2)°<0
= 3-2V2< 2P <3+2V2
= V2-1<|z|<V2+1.
D d/ ‘Zl‘:\/ﬁ_l Aoq " 2 kh
o doé au “=" xay ra khi
2] = V2 +1
§
:<\/§ 1)2
=v2-1
ol = v2 :( \/5)2 (loai)
|ZQ|:\/§+]_<:> :>‘UJ|:|21+22|:2\/§.
— =<\/§ 1)2
z2+z=0
(1 \/5) (loai)
\ L

Chon dap an @ O

Cau 1904. Cho hai s6 phtic z1, 29 thod man |z;| = 12 va |z — 3 — 44| = 5. Gia tri nho nhat cta

‘Zl — 22’ 1a
A. 0. B. 2. C. 7 D. 17.
Laoi giai.
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Goi M, N lan lugt 1a diém biéu dién sé phtic 21, 2. y
Ta thay |z = 12. M

= M € (%)) c6 tam O va ban kinh R; = 12. N 4
Ta thay |22 — 3 — 44| = 5.

= N € (%,) c6 tam 1(3;4) va ban kinh Ry = 5.
Ta thay O = (3;4) = Ol =5 = O € (%). I

Ta ¢ |21 — 29| = MN > OM — ON. 1) T
Vi OM = 12 nén

min(MN) =12 — max(ON) = 12 — 10 = 2.

M=B .
Khi d6, { A v6i A, B la giao diem ctia tia OI v6i (%), (€2).
N =

Chon dap an O

. 176 — 821
Cau 1905. Cho s6 phtic z théa man (3 — 7i)|z| = fz
(14 d)z+2—1il.

A. 5v2 — /5. B. 6v/2 — /5. C. 3v/2—/5. D. /5.

L&i giai.

+ 7 + 3i. Tim gia tri nhé nhat cla

Diéu kién z # 0.

Ta cb

176 — 823
B-Ti)|z|= =2y 7y 3
zZ
(:)| | 194+ 172 +7+3i®| | 19+ 17¢ .
A= Zl=———1
(B-Ti)-z 3-Ti z
19 +172
ozl 4im = (4 i)z =194+ 170
z

= |(]z| +4)z] = [19 + 17i| (L4y mo-dun hai vé)

& ||z +i] - [7] = 5V26 & /|22 + 1.|2| = 5V/26. 2)
Dit t = |2| > 0, khi d6

2 =925

2= VE2+1-t=5V26< (12 +1)-t* =650 < t* +t* — 650 = 0 <
t* = —26 (loai).

Voit? =25 =t =5=|z| =5.
o
DétP:|(1+i)z+2—i|:'(1—|—i) (z+1+l,>‘:\/§
7

Sl Y

( 1+3.>
z 5 T3t

Suu tam € bién soan Th.s Nguyén Chin Em 523 https: //emncischool.wixsite.com /geogebra




https://www.facebook.com/groups/GeoGebraPro/ Chuong 3-Giai tich 12

1 3\ .. . . ~ 2
Goi M(xz;y), A (—5; 5) lan lugt 1a diém bieu dién so phiic z
3

va w = ~3 + 52

Khi d6 P = v/2M A va M thudc duong tron (C) ¢6 tam O(0; 0),

ban kinh R = 5.

Ta c6 OA = % < R =5 = A nim trong dudng tron (C). E 0 A E
Goi E, F la giao diém ctia O A véi dusng tron (C) véi AF < AE.

Ta co AF < MA < AFE.
Vay P nhé nhat khi va chi khi M A nhé nhat

Vh  5V2 -5
S MA=MO—-0A=5—-—=——
V2 V2
= P =5V2—/5.
Chondépén@ O

Cau 1906. Xét cac s6 phtic z = a + bi (a,b € R) théa méan |z + 3 + 2i| + |z — 3 — 6i| = 10. Tinh
P =a+bkhi |z + 8 — 2i| dat gia tri nh6 nhat.

11 11
A.P:—8. B. P=09. C. P=-5. D.P:——S.
25 25
Lo giai.
Goi A(—3;—2), B(3;6) va diém M (a;b) biéu dién s6 phiic z = a + bi.
Taco |z+3+2i|+|z—3—-6i| =10 MA+ MB=10= AB.
. , 4
Suy ra M (a;b) thuoc doan thang AB. Phuong trinh dusng thiang AB : y = 3% + 2.
) 4
Vi M (a;b) thudc duong thang AB nén b = 30 +2,a € [-3;3].
. 4\? 25
|z +8—2i]=/(a+8)2+(b—2)2=4/(a+8)+ 30) = §a2—|—16a+64
25 ( 72)2 1024 _ 32

=4/ — — > —, Ya e [-3;3|.

\/9 aty) to5 25 Vac =33

PN 72 46 118

Vay |z 4+ 8 — 2i| dat gi& tri nhé nhat bing S khia=—govab=—o=atb=——
Chon dap an @ 0
Cau 1907. Cho z la s6 phitc thod |z —1+i] = 2. Tim gia tri 16n nhat cta biéu thiec:
P=|z+2—i +]z—2-3if.

A. 18 B. 38 + 8V/10. C. 18 +2v/10. D. 16 + 2v/10.

L&i giai.
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Gia st z = x4+ yi,x,y € R, khi do:

Y
z—14+i=2 & |(z—1)+(y+1)i|=2 N
s (z-12+@y+1)? =4
Nhu vay diém M biéu dién s6 phitc z thuoc dudng tron tam
I(1;—1) ban kinh R = 2. Ta co: 0 .
1
P = (@+2’+@—-1)"+@-2"+@-3)
= 2[2* + (y —2)*] + 10.
Khi d6 P 16n nhat < 22+ (y —2)? 16n nhat, hay M A 16n nhat véi .

A(0;2).
Nhan thay MA 1én nhat khi M,I, A thing hang va I nim
gita M, A. Khi d6 ta ¢c6 MA = Al + R = 2 + V10 v
P =2MA? + 10 = 38 4 8V/10.
Chon dap an 0
Cau 1908. Cho hai s6 phiic z1;22 thoa man |z; — 3i + 5| = 2 va |izg — 1 + 2i| = 4. Tim gia tri 16n
nhit ctia biéu thitc T' = |2iz; + 32,].

A. /313 +16. B. V313. C. V313 +8. D. V313 +2V/5.
Lo gidi.
Gia st 2i2; = a + bi,—329 = ¢ + di. Goi A(a;b), B(c;d) 1a cc diém lan lugt biéu dién cho cac sb
phtic nay. Khi do

|21 —3i+5| =2 (a+6)>+ (b+10)> =16

nén A thuoc duong tron (Cy) c¢6 tam I,(—6; —10) va ban kinh R, = 4.
lizg —14+2i| =4 (c—6)?+ (d—3)* = 144

nén B thudc dusng tron (Cy) ¢6 tam I5(6;3) va ban kinh Ry = 12. Ta lai ¢6

T=1/(a—c)?+(b—d)?=AB
nén T dat gia tri 16n nhat khi T'= AB = Ry + I, 1, + Ry = 16 + v/313.
Chon dap an @ 0

Cau 1909. Xét s6 phiic z = a + bi (a,b € R,;b > 0) théa man |z| = 1. Tinh P = 2a + 4b* khi
|23 — 2 + 2| dat gi4 tri nhé nhat.

A P=4 B. P=2-V2 C. P=2. D. P=2+2.
Loi giai.
z=a+bi|zl=1=d+0V=110=1-d~.
Dé ¥ |2120] = |21| - 22| vA 2+ Z = |2|? nén
|z3—z—i—2\—’z<22—1+§>‘—|zl- 22—14-% =122 —1+2z| = |(a+bi)* — 1 — 2a — 2bi| =

[(a? —b* — 1) 4+ 2b(a — 1)i| = \/(a® — b — 1)2 + 4b%(a — 1)2.
Thay f(a) = (a*>+a—1)*>+ (1 —a?®)(a — 1)® = 4a® — a® — 4a + 2 trén [—1;1].

f'(a) = 12a® — 2a — :Oﬁazghoaca:—é.
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0= ()= (2) = 2w
V3

1
Suyramax|z3—z—|—2|:13khia:—§:bZT:P:2a+4b2:2.

Chon dap an @ O

Cau 1910. Cho 2 la mot s6 phitc ma (z + 1 — 24)(z + 3) 1a mot s6 thyc. Tim gia tri nhé nhat P
ctia biéu thic P = |z — 3 + 2i].

32
A. P, = 4V/2. B. Py = Tf C. P,=2 D. B, = 0.

Lo giai.

Dat z = 2 + yi véi 2,y € R. Bién doi gia thiét ta duge x — y + 3 = 0(d). Goi A(3; —2) la diem biéu
dién ctia s6 phitc 3 — 24, M 1a diém biéu dién ctia 2. Khi d6, M thuoc duong thang (d) vi P = AM.
Do dé, Py = d(A, (d)) = 4V/2.

Chon dap an @ O

Cau 1911. Cho cac s6 phtic 21, 2o théa man |2y — 1+ 2i| =1 va |23 — 2+ i| = |2 + ¢]. Tim gi4 tri
nhé nhat P, ctia bieu thic P = |z, — 2.

A Pun=v2-1. B. Pun=V2+1. C. Pyin = 0. D. Py = L.
Loi giai.
Goi M, N lan lugt la diém biéu dién clia 21, 2o trén mit phang phitc. T gia thiét, ta suy ra M nam
trén dudng tron (C) ¢6 tam I(1; —2), ban kinh bang R = 1, N nim trén dudng thang d: v —y—1=0

(1a duong trung tryc clia doan thang ma cic diem dau mut 1a diém bicu dién clia cac s6 phiic 2 — i

va 7).
Dé thay d khong cit (C) nén Py, = d(I,d) — R =2 — 1.
Chon dap an @ 0
Cau 1912. Trong céc s6 phiic z théa man |z| = [z — 1 + 2i|, s6 phiic ¢6 modun nhé nhat 1a
3 1
A.z:l—i-zi. B.z:§+i. C. z=3+1 D. z=5.

Lai giai.
Vi|z| = |z nén |z| = |2 - 1+2i| < |Z| =2 — 1 + 2i|. Vs g
Goi A, M lan lucgt 1a diém biéu dién hinh hoc clia cac s6 phitc Z va 1 — 2i. :
Tit ddng thiic trén suy ra khoang cach tit diém A dén O bing khoang céach 1 g
tit diem A dén M, suy ra A thudc duong trung tric ctia OM. O 3
Diém thuoc dudng trung truc ciia OM ma cach O ngin nhat dé la trung ‘
diém ctia OM, tuong tng la diém biéu dién ctia s6 phitc 7 = 5~ i. ! N

. N 1 “
Vay s0 phtic can tim la z = 3 + 1. M
Chon dap an O

Cau 1913. Cho s6 phitic z théa méan |z — 3 + 3i| = 2. Gia tri 16n nhat ctia |z — i| bang
AT B. 9. C. 6. D. 8.
Loi giai.
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Ta c6 tap hop cac diém biéu dién s6 phitc z théa man |z — 3 + 3i| = 2 Y
la duong tron (C) tam I(3; —3), ban kinh R = 2. Nhu vay bai toan tré A
thanh: “Tinh khoang cach 16n nhat tit diem A(0; 1) dén mot diém trén 3
duong tron (C)”. Va dé chinh 1a khoang cach tit diem A dén diem Q }><
nhu hinh vé bén.
-3
AQ=AT+1Q=V3?+42 4+ R=5+2=T. I v
Vay gia tri 16n nhat cta |z —i| 1a 7. ©
Chon dap an @ O

Cau 1914. Gia sit 21,2 13 hai trong s6 cac s6 phiic z théa man ‘zz +v2 — z‘ =1va |z — 2] = 2.
Gia tri 16n nhat cta |z1] + |22| bing
A. 4. B. 2V/3. C. 3V2. D. 3.
Loi gidi.
Ta c6 ‘iz+\/§—i‘ —le |- (1+iv2)| =1
Goi 2 = 1+iv/2 c6 diém biéu didn la T (1;v/2).
Goi A, B 1an lugt 1a cac diém biéu dién clia 21,2. Vi |21 — 23| = 2 nén I 1 trung diém ctia AB. Ta

co

|21| 4 |22] = OA + OB < \/2 (OA?2 4+ OB?) = VAOI? + AB? = V16 = 4.
DAu bang xay ra khi OA = OB.
Chon déap an @ OJ
Cau 1915. Cho s6 phiic z = a + bi (a, b 1a cac s6 thuc) théoa man |z| = |z — 3 + 4i] vA ¢6 mo-dun

nhé nhat. Gia tri ciia P = ab 1a

A. % B. 4. C. 2. D. 3.
L&i giai.

bat z = a + bi, ta c6

2] = |7 — 3 + 4i
& |a+bi| = |a — bi — 3+ 4i]

& la+bil=|(a—3)— (b—4)i
& VAT =/(a—3)2+ (b—4)
& a4+ b =(a—3)2+ (b—4)>
& —6a+9-8+16=0

& 6a+8b— 25 =0.

Tap hop diém ctia s6 phiic 2 1a duong thang 6x + 8y — 25 = 0. Vay mo-dun nhd nhat ctia s6 phiic z
1 hinh chiéu vuong géc ctia goc toa do O len duong thang.

Xét duong thang qua O va vuong goc véi dusng thang 6x+8y—25 = 0 c6 phuong trinh 1 8z —6y = 0.

' » R 6x+8y—25=0
Goi H la hinh chiéu ciia O lén duong thang 62+8y—25 = 0. Ta ¢6 toa do H thoa hé &
8r —6y =20
==
2,
y=2
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NN GV]

3 )d 2 ~ z 3
Suy ra H (5, 2) la diém biéu dién cta so phtc z = 3 +2i. Vaya= -, b=2khi do P = 3.

Chon dap an @ O
Cau 1916. Cho s6 phtic z thda man |z — 1 —i| = 1, s6 phtic w théa man [w — 2 — 3i| = 2. Tim gia
tri nho nhat cla |z — w|.

A. V13 -3. B. v17-3. C. V17+3. D. V134 3.
Loi gidi.
bat z =z + yi, Dat w = a + bi. Khi do

lz—1—il=1lalz—1+@y-1il=1e@@-1)>+@Fk-1>*=1.

Do dé tap hgp cac diém biéu dién sé phiic z 1a duong tron (C}) c6 tam I;(1;1), r = 1.

w—2-3il=2la—2—(b+3)i|=2< (a—2)*+ (b+3)* = 4.

Do dé tap hgp céc diém bicu dién sé phiic w 1a dudng tron (Cy) ¢6 tam I(2; —3), ban kinh R = 2.
|z —w| = \/(x — a)?> + (y — b)? day la biéu thiic xéc dinh khodng cach gitta hai diém biéu dién cho

s6 phiic z va w.
Ta c6 I1I; = v/17 > R+ r nén (C;) nam ngoai (Cy).
Khi d6 khoang cach ngan nhat giita hai diem lan lugt ndm trén hai dudng tron la:

d=1L1I,— R—r=+17-3.

Chon dap an O
Cau 1917. Cho hai s phiic 21, 23 théa man |z; + 1 —i] = 2 vd 25 = iz;. Tim gid tri 16n nhat m
ctia bicu thic P = |z — 2.

A-m=2V2+2. B.m=+v2+1. C. m=2v2. D. m=2.
Lo gii.
Ta 6 |21 — 22| = |21 —iz1| = |1 —i| - |21] = V/2]z1]. Do d6 P 16n nhét khi va chi khi |2| 16n nhat.
Goi M (z;y) 1a diém biéu dién sb phiic z;,. Ta c6

s+ 1—i =2 (z+1)*+(y—1)* =4

= M thudc duong tron tam I(—1;1), ban kinh R = 2.

21 16n nhat khi OM 16n nhat = M € OIN (I, R).

Duong thing OI la y = —x. Do d6 OI N (I, R) = {A(V2 — 1;1 — v/2); B(—vV2 — 1;3/2 4+ 1)}

Ma OA=2—-+2, OB =2+2.

Nen maxOM = OB =2++2khi M = B & 2, = —v2—1+(v/2+1)i. Vay max P = m = 2+ 2/2.
Chon dap én@ O

Cau 1918. Xét cac s6 phiic z = a + bi théa man |z — 3 —2i| = 2. Tinh a + b khi |z + 1 — 2i| +
2|z — 2 — 5i] dat gia tri nho nhat.
A 4+V3 B. 2+ 3. C. 4— 3. D. 3.
Loi giai.
Dit 2 —3—-2i=a+bi—3—-2i=t=x+yi=|t|=2vaa2?+y? =4
Ta o |z+1— 20| +2]2—2—5i] = [t + 4|+ 2|t +1—3i| = \/22 + 8z + 16 + g2 + 2|t + 1 — 3i]
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4416+ 8
:2\/¥+2|1€+1—3i|:2\/_5+_2x+2|t+1—3i|
— /(e + 1)+ 2+ 2z + 1+ B—y)’ > 2(ly +13—y]) > 6.

r=—1
Déu b ) 3 )50 r=—1 a—3=-1 a=2
au bang xayra << {y3—y) >0 < = = .
. y=13 b—2=1/3 b=2++3
4y =4
Chondépén@ O

Cau 1919. Cho hai s6 phtic z;, 2, thoa man diéu kien 2|z; +i| = |z; — 21 — 2i| va |z —i — 10| = 1.
Tim gi4 tri nhé nhat ciia bicu thic |2, — 2.
A V10 + 1. B. 3v5 — 1. C. Vv V101 + 1. D. v/V101 - 1.
Loi giai.
Goi z; = x + yi khi d6 ta c¢6 2|z +i| = |Z; — 21 — 21| tuong duong véi

A@® + (1—-y)?) = 2y +2)?

4o 44— 8y +4y* =4y* + 8y + 4
2
x2:4y<:>y:Z(P).

Goi 23 = a + bi khi d6 ta c6 (a — 10)* + (b — 1)? = 1, tit d6 suy ra 25 nam trén dudng tron
(=10 + (y —1)* = 1(O).

Nhan thiy duong tron (C) ¢6 tam [(10;1) va ban kinh R = 1.

Ta c6 |21 — 22| + 1 > |21 — 20| © |21 — 22| > |21 — 20| — 1 ( 12 diém biéu dién cta z).

z? ot 2P
Xét ham s6 f(x) = |21 — 20* = (z — 10)? + (Z_1> :E+?—2Ox+101,
ZE3 xz
6 flla) =1 +o-20=0&(z-4) <Z+x—|—5> — 0o 1 =4

Tit d6 suy ra ham s6 f(x) dat cuc tidu tai = 4, suy ra f(x) > f(4) = 45, Vo € R.

Vay ta c6 |z, — 20| > |21 — 20| — 1 > v/45 — 1 = 3v/5 — 1. Dau bing xay ra khi va chi khi z; = 4 + 44
VA 29 1a giao diém gitta IM va dudng tron (C) (M la diém biéu dién ctia 2;).

Chon dap an O
Cau 1920. Cho hai s6 phiic z;, 2, ¢6 diém biéu dién lan lugt 1& M;, M, ciing thuoc duong tron cé
phuong trinh: 22 + y? = 1 v |21 — 2| = 1. Tinh gia tri biéu thitc P = |z + 2y|.

V3 V2

A.PZT. B. P =2 C.P:T. D. P =+/3.

Loi gii.
Ta c6 M, My thude dusng tron tam O(0;0) va ban kinh R = 1.
|21 — 2| =1 & MMy, =1 < AOM,; M, la tam gidc déu canh bang 1.
V3
5
L V3
Khi d6 P = |2 + 2| = ‘OMl +0M2( - ‘20}1( —20H =2 = V3.
Chon dap an @ 0
z—1 1 . L 1 4, .2 P
-| = —. Tim gia tri 16n nhat cua biéu thic P =

z+ 3

V2

Goi H la trung diém M, M, = OH =

Cau 1921. Cho s6 phtic z théa méan

|z +i|+ 2z —4+7i|
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A. 8. B. 20. C. 2V/5. D. 4v/5.
Loi giai.
z—1 L
2430 V2
V2|2 — 1] = |z + 30
2(x — 1) +2y* = 2 + (y + 3)?
2y —dr—6y—7=0
(z —2)*+ (y — 3)* = 20.

(A

Do d6 tap hop diém biéu dién s6 phiic 2z 1a duong tron (C) ¢6 phuong trinh (x — 2)? + (y — 3)% = 20
v6i ban kinh R = 21/5.

P=|z+i|+2|2—4+7Ti| =|z+i|+2|z —4—Ti| = MA+2M B v6i A(0; —1), B(4;7) 1an lugt biéu
dién s6 phiic 2, = —i, 29 = 4 + Ti.

Ta c6 A(0; —1), B(4;7) € (C) va AB = 4v/5 = 2R nén AB la duong kinh duong tron (C).

= MA*+ MB? = AB?* = 0.

Mit khac: P = MA +2M B < \/5(MA? + MB?) = 20.

Dau bang x4y ra khi M B = 2M A. Vay gia tri 16n nhat ctia P 13 20.

Chon dap an O

Cau 1922. Cho hai s6 phiic z,w théa méan [z — 1| = [z +3 - 2i|vaw =z+m+i véim € R la

tham s6. Gia tri ciia m dé ta luon c6 |w| > 2v/5 la

m>7 m>"7
. B. ) C. -3<mx<«<T. D.3<m<7.
m<3 m < —3
Loi giai.
Taco6z=w—m—inén|w—m-—1—i|=|w—m+3—3i|

Goiw=a+ bi, a,b € R. Ta c6
(a—m—1)+(b-1)i|=|(a—m+3)+(b-3)i| & (a—m—1)2+(b—1)> = (a—m+3)*+ (b—3)?
Suy ra b = 2a — 2m + 4. Ta lai c6
|w|? = a? + b* = a* + (2a — 2m + 4)*> = 5a® + 8(2 — m)a + 4m? — 16m + 16.
Dé |w| > 2v/5 < 5a% + 8(2 — m)a + 4m? — 16m — 4 > 0 v6i moi a.
m>7
Tuong duong véi A’ < 0 < 16(2 —m)* —5(4m? —16m —4) <0 & L
m < —3
Chondépén OJ

Cau 1923. Cho hai s6 phiic 21, 2o thda man |2y +1 — 4| = 2 vA 29 = iz;. Tim gia tri nhé nhat m
ctia biéu thiic |z, — 2.
A m=+v2-1 B. m =2V2. C.m=2. D.m=2y2-2.
Loi gidi.
Tacé |z + |l =i > |a+1—i|=2=|n] >2-V2
21 =k(1—14),(keR k>0) o m= (VI 1)1 1)
|21 +1—i| =2
Lai 6 |21 — 2| = |21 —iz1| = |21(1 = 0)| = || - |1 — 0| = |21] - V2 > 2v/2 — 2.
Chon dap én@ O

Déu “=" xay ra < {
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Cau 1924. Cho hai s6 phtic z1, 29 thoa man |z; +5| = 5, |22 + 1 — 3i| = |22 — 3 — 6i|. Gia tri nho

nhat clia |21 — 29| 12

A2 B. .. c i D3
2 2 2 2
Lai gidi.

Dat zy = x1 + 14, (1,91 € R); 29 = 29 + 421, (T2, y2 € R).

Ta c6 |21+ 5| =5 (1 +5) + y2i| =5 & (21 +5)? + y3 = 25.

Suy ra tap hop cac diém biéu dién cac s6 phiic z; 1a dudng tron (€) : (z + 5)% + 3? = 25.
Ta co |22 +1—3i| = |20 =3 = 61| & |(x2+ 1) + (y2 — 3)i| = |(z2 — 3) + (y2 — 6)1]

& (rg+ 1)+ (y2 — 3)2 = (2 — 3)? + (yo — 6)* & 8xy + 6ys = 35.

Suy ra tap hop cac diém biéu dién cac s6 phiic 2, 14 duong thing A : 8z + 6y = 35.

(€¢') c6 tam I(—5;0), ban kinh R = 5.
8(—5)+6-0—35] 75 15

Khoang cach tit I dén A la d(I,A) = N =0=32" R.
Suy ra A khong cit (). Do do, néu goi d 1a duong Y
thang qua I va vuong goéc véi A, d cit (€) va A lan
lugt tai M, N vd H thi mot trong hai doan thang d
HM,HN la khodng cach ngin nhat ndi hai diém (%)
bat ky thuoc () va A. H
Suy ra gia tri nhé nhat ca |z; — 20| 12
|z1—zgymm:HM:d(z,A)_R:§_5:g. I N
-10 O
A
Chon dap an @ OJ

Cau 1925. Cho s6 phiic 2z va w théa man z +w = 3 + 4i vd |z — w| = 9. Tim gia tri 16n nhat cta
biéu thitc T = |z| + |w|.
A. maxT = /176. B. maxT = 14. C. maxT = 4. D. maxT = V/106.
Loi giai.
biat z=a+bi (a,b € R); w=c+di (¢,d € R).
Ta co |z+w| = |3+4i| =5 & |(a+bi)+(c+di)| =5 < [(a+c)+(b+d)i| =5 < (a+c)*+(b+d)* = 25
z—wl=9s|(a+bi)—(c+di)| =9 [(a—c)+(b—d)i| =9 (a—c)* + (b—d)* = 81.
Ta c6 hé phuong trinh
(a+c)*+ (b+d)*> =25 a’ + 2ac + ¢ + b* + 2bd + d* = 25
(a—c)?+ (b—d)* =381 - a® — 2ac + * + b? — 2bd + d* = 81
Theo bat dang thiic B.C.S ta c6
2] + ]| = )1 NETPE 41 \/m] < JIT+ D)@+ 1+ d) = /106.
Véi z = —% - %i, w = % — %z luon théa man gia thiét va [z| 4 |w| = v/106.
Vay max (|2] + |w|) = v/106.
Chon dap an @ O

= a® + 0"+ +d* =53

Cau 1926. Cho s6 phiic z thoéa man 4|z + i| + 3|z — | = 10. Tinh gia tri nhé nhat cia |z|.
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1

) 3
A - B. - C. - D. 1.
2 7 2
Lo giai.
Gia stt M (x;y) biéu dién s6 phitc 2. Diém A(0; —1) biéu dién s6 phitc —i va diém B(0; 1) biéu dién
s6 phic 1.

Tacé AB=2,4MA+3MB =10 va
MA?+ MB?* AB* (10 —-3MB)?+16M B> | (5M B — 6)? + 32

M?* = — = —1= > 1.
0 2 4 32 32 -
. 6 8 24 7
Da hic x4 khi MB=-,MA=— M( )
ang thuc xay ra khi 5 5 va 55 95
Chon dap én@ 0

Cau 1927. Cho s6 phitc z thoéa man |z — 3 — 4i| = /5. Goi M va m lan luct la gia tri 16n nhat va
gia tri nhd nhat ctia bicu thic P = |z + 2|? — |z — i|?. Tinh mo6-dun ctia s6 phiic w = M + mi.
A. |Jw| = /1258. B. |jw| = 3V137. C. |w| = 2/314. D. |w| = 2v/309.
Loi giai.
Gid st z = a + bi(a,b € R).
Theo dé bai ta 6 |z —3 — 4i| = V5 < (a — 3)2 + (b —4)2 = 5(1).
Mt khac P = |z + 2> — |2 —i|* = (a + 2)* + b* — [a®* + (b — 1)?] = 4a + 2b+ 3(2).
Tt (1) va (2) ta c6 20a® + (64 — 8P)a + P2 — 22P + 137 = 0(x).
Phuong trinh (%) c6 nghiem khi A’ = —4P% +184P + —1716 > 0 < 13 < P < 33 = |w| = V1258.

Chon dap 4n (A) O
Cau 1928. Tim gia tri 16n nhat ctia P = |22 — 2|+ |22+ 2+ 1] v6i 2 la s6 phitc théoa mén |z| = 1.

A. V3. B. 3. C. %. D. 5.
Loi giai.

Dit 2 =a + bi v6i a®> + 1> =1 thi

P =|(a+bi)> = (a+bi)| + |(a + bi)* + (a+ bi) + 1]

= (a* —a —2) (2ab—b)'|+|(a2+a+1—b2) + (2ab + b)i
= (a2 —a—12)? + (2ab — b))? + /(a2 + a+ 1 — 12)* + (2ab + b))?
:\/2—2a—|—]2a—|—1\.
biat f(a) =v2—-2a+|2a+ 1| véi -1 <a <1
1
V2—2a+2a+1 néu = <a<l1
Ta c¢6 f(a) = 2 E
V2 —2a —2a—1 néu —1§a<§
1 .
————=+2neu -<a<l
V2 — 2a 9
Do dé6 f'(a) = 21 2a E
92 nbu —1<a<-
NEST neu <a<g
7
f’(a):O(:)azé
7 13
F-1) =3, f() =7 f(1) =
13 7 15
Béivay[rilla;uﬁf(a):zkhia:§,b::i:%.
AVA 1
Nhu vay, khi z = 7+;\/_ thi maXP—Z3
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Chon dap an @ 0

Cau 1929. Xét s6 phitc z thoa man |z — 2 — 24| = 2. Gi4 tri nhd nhit ctia biéu thic P = |z — 1 —
i| + |z — 5 — 2i| bang
A 1+ V10 B. 4. C. V1T7. D. 5.
Lo giai.
Goi M (x;y) la diém biéu dién s6 phitc 2. Do |z — 2 — 2i| = 2 nén tap hgp diéem M la dudng tron
(€): (z—2)*+(y—2)2=4.
Céc diém A(1:1), B(5;2) 1a diém bidu dién cdc s6 phitc 1+ 4,5 + 2. Khi d6 P = MA + MB.
Dé thay A nim trong (%), con B nim ngoai (¢), ma MA + MB > AB = /17. Déng thiic xay ra
khi M 1a giao diém ctia AB v6i (%).
Phuong trinh dudng thing AB : x — 4y + 3 = 0.
Toa do diém M la nghiém ctia hé phuong trinh sau véi 1 < y < 5.

37+ 4v/59
(x—27+(y—27=4 e T
=
r—4y+3=0 22+ v99
V="
374+ 4v59 22+ /59
Vay min P = /17 khi z = +17 + ﬁ7 i.
Chon dap én@ O

Cau 1930. Cho s6 phiic z = z + yi, (z,y € R) théa man |z — 2 +i| = |z + 2 + 5i| va biéu thiic
24+ =3y +1
V(@2 + 2+ 22 — 2y 4 2) (2 + y? — 2z — 4y +5)

dat gia tri nho nhat. Gia tri ctia 2x + y bang
A. —6. B. —6+ /5. C. -3 -5 D. -6 — /5.
Loi gidi.
Goi M (z;y) 1a diém biéu dién z. Tit [z — 2 +i| = [z + 2+ 5i| © 2+y+3 =0 (A). Vay M di chuyén
trén dudng thing (A). o
Dat A(—1;1) va B(1;2) thi dé thay H = % — cos AMB.

Tioz=-3—y=a+y?—3y+1=22+3y+10>0, Vy € R. Vay AMB < 90°.
Do d6 H nhé nhat < AM B 16n nhit < sin AM B 16n nhat R nho
nhat (do —/B\ = 2R), v6i R 1a ban kinh dudng tron ngoai tiép
AMAB. sin AM B

Diéu nay xy ra khi duong tron ngoai tiép tam gidc M AB tiép xic
v6i (A) tai M (hinh vé&). Vi néu R nhé hon nita, tic I gan J hon
thi duong tron tam I, ban kinh A khong cat A.

Goi K = ABN A = K(-3;0). Theo tinh chat phuong tich tit K
dén duong tron (1) ¢6

KA -KB=KM? = KM?=10
Dat M(x; -3 —z), (x> —3), tt KM?>=10< (r +3)? =5 2 = -3+ /5. Khi d6 y = —/5.

Vay 2z +y = —6+ /5.
Chon dép an (B) O

Cau 1931. Goi S la tap hgp cac s6 phitc 2 théa man diéu kien |z + 3| + |z — 3| = 10. Xét hai 86 z1;

~ ~ Zl N £ X 2 <z . 2 A 2 « 2 . N
29 thudc tap S sao cho — 1a s6 thuan &o. Gié tri nhé nhat cia bieu thic |z;29| 1a
)
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800 225
A. 15. B. —. C. —. D. 20.
> 41 17

Loi giai.

Goi M (z;y) biéu dién cho s6 phiic z va Fy(—3;0); F»(3;0).

Theo dé bai |z + 3|+ |z — 3] =10 ta ¢6

MF; + MF; =10 suy ra M (z;y) thuoc elip (E): g—; + % =1

Xét hai 86 21 = a + bi, 29 = ¢ + di thuoe S c6 diém biéu dién lan lugt 1a A(a;b), B(c;d) thuoc (E).
oz a+bi (a+bi)(c—di)  (ac+ bd) + (bc — ad)i

Tacoz_:c—i—dz': ey = S 1a s6 thuan 4o = ac + bd = 0.
2
Khido ta co 2 1 1 1 1 41 800
OA-OB = ac+bd = 0= OA 1 OB = < - —— = OA-OB > ——.
act OA-OB ~ OA2 OBZ 25 16 400 1
Ma ta c6 |z122| = |z1]|22] = OA- OB > T Dau béang xdy ra khi |z1| = |2
sy 84()10 o400
Khi d6 a, b 1a nghiém cia he 2 & 4%)10 suy ra luon ton tai z;1; 2o.
TG =
25 + 1620 90 41
Chang han z - —i.
g han zy = N /— Zy = i 1
Chu § chiing minh tmh chat sau
2 2
Cho (E): x_ + ?2—2 = 1. Goi A, B la hai diém thuoc (E) sao cho OA 1 OB khi d6 ta c6
S N
OA? "~ OB a® b*
Huéng dan:

TH1. Gia stt duong thing OA c6 phuong trinh y = kx, k # 0.

[ 1+k?
SuyraOA:ab m
1

Vi OA L OB suy ra OB c6 phuong trinh: y = 7%

O e a?+ 0k a®+0* 1 1

Suy ra OB = ab

ToB T @) T @R+ @ @R

TH2. Gia st dudng thing OA c6 phuong trinh y = 0 suy ra OB ¢6 phuong trinh z = 0 va ngudc
lai (luén dung).

Chon déap an OJ

Cau 1932. Goi z la s6 phitc ¢6 mo-dun nhé nhat théa man |z + i+ 1| = |z + 4|. Tich phan thuyc va

phan 4o clia z bang

A B - C ——. D
50° 25° 50° 25
Loi giai.

Gia st z = a+ bt v6i a,b € R.

Taco|z+i+1ll=|z+i| & |atbitit+l|=|a—bi+i| < Jla+ 1)+ (b+1)2=/a®>+(1-))? <=
20+ 4b+1=0<2a+4b=—1 (%)

Cach 1: Ap dung béat déng thitc Bunhiacopski c6

2 4
(204 4b)2 < (22 + 42) (> + 1) & a> + > > (2a +0 b)?

1
hay Va2 +b? > —:> > —
y vV W 2] > W
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PN 1 a b
Do d6 |z| nhd nhat bang ——= khi — = - =2a—-b=0
] 8578 Mg =g )
2a +4b = —1 a:_ﬁ
Ta ¢6 hé phuong trinh & 1
2a—b=0 h—
5
Va ab:i
Ay 50"

Céach 2: T (*) suy ra tap hop diém M biéu dién s6 phiic z 1a dudng thang d: 2z +4y +1 =0
Do d6 |z| nh6 nhat khi OM nho nhét.

OM nhé nhat khi OM = d(O,d) tic 1a OM L d hay M 1a hinh chiéu vuong goéc ctia O trén
duong thang d.
Phuong trinh duong thing OM 1a 2z —y = 0

1
, 20 +4y=1=0 =770
Toa do M la nghiém ctia hé phuong trinh & 1
20 —y =10 y=—=.
5
Suy ra xy = i
y Yy 50"
Chon dap an @ O

Cau 1933. Trong cac sb phiic z théa man |z —3—4i| = 2 ¢6 hai s6 phiic z;, 29 théa man |z — 25| = 1.
Gia tri nhé nhat cia |z;]? — |22]* bang
A. —10. B. —4 - 3/5. C. —5. D. -6 — 2V/5.
Loi giai.
+Datz=z+yi, (r,yeR). Tacd |z —3—4i|=2& (x —3)*+ (y—4)* =4
+ z1 =a+bi; 2o =c+di, (a,b,c,d € R)
21, 73 lan lugt duge biéu dién bdi cac diém A, B.
+ Tir gia thiét ta c6 A, B thay doi trén dusng tron (C) c6 tam (3;4) ban kinh R = 2 vai AB = 1.
Goi K la trung diém ctia AB; H la hinh chiéu ctia O len AB.
Ta co
212~ |2f? = 04~ 0B = (OA - OB)-(OA+ OB) = 2-BA-OK = 2-BA-HK > —2-BA-HK >
—2-BA-0OI > —10.

Chon déap an @ OJ
Cau 1934. Cho s6 phiic z théa méan diéu kién |22 + 4] = |2 + 2iz|. Tinh gia tri nhé nhéat ctua
P =|z+i
A. min P =4. B. min P = 3. C. min P = 2. D. minP =1.

Loi giai.
bat z =z +yi
|22 + 4] = |22+ 2iz| & |(z +2i)(z — 20)| = |(z + 2i)z| & |z + 2i||z — 26| = |z + 2i||2]

|2 4 2i| = 0 z=—2i [z:—Qi [z:—2z’

& =
|z — 2i| = |2] 22+ (y—2)2 =2+ y=1 z=x+1, Vr e R

oz:=-2i=P=|z+1i=1

ez=a+i=P=|2+i=|2+2=V22+4>2

= minP =1

ChQﬂdépéH@ O
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Cau 1935. Cho hai s6 phiic z va w = a + bi thda méan )z+\/3‘ + ‘z—\/gl =6; 5a — 4b — 20 = 0.

Gid tri nhé nhat cla |z — wl 1a

3 5 4 3
A —. B. —. C. —. D. —.
V41 V41 V41 41
Loi giai.
Goi M la diém biéu dién s6 phic z. Vi ‘z + \/5’ + ‘z — \/5‘ = 6 nén M thuoc dusng elip (E) c6
2 2
phuong trinh 1a % + yz =1

Goi N la diém biéu dién s6 phiic w = a+bi. Vi 5a —4b—20 = 0 nén N thudc dudng thang c6 phuong
trinh 5z — 4y — 20 = 0 (A).

Ta ¢6 |z —w| = MN. |z — w| nhé nhit < M N ngdn nhat.
8v9 — 12

ot + —— — 20
* 3

Xét khoang cach tit M dén (A) ta c6 d (M, A) =

VAl

Quan sat do thi vé vi trf clia elip (E) va duong thang (A) suy ra dé M N ngéin nhat thi M thuoc
nita dudi elip (so véi truc hoanh ). Do d6, ta lay M € (E), xy € (0;3), ya € (—2;0).

M e (E)
20— 2

Taco S zp €(0;3) & M <t;—T) , t€(0,3).

yu € (—2;0)

80— 2
5+ ——— — 20 ‘15t+8\/9—t2—60’

Do d6 d (M, A) = _ .

(M, 4) it W

Véi moi t € (0,3) ta co
— 156+ 80— P = |15+ 8V0 — 2| < VIF + 82+ P+ (9 — %) = 51.
‘5t+8\/9—t2—20 5
>

—0<15t+8\/9—t2<51:>‘15t+8\/9—t2—60‘ >0=

3v/41 VAl
. t V9 — 2 45
Dang thic xa — = St=— 0;3).
ang thic xdy ra - g . T, € (0;3) .
Vay gia tri nho nhat cta |z — wl| 1a T Dat dugc khi 2z = T2 1—72
Chon dap an (A) O

DAP AN
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1. All2. ¢][3 DJ4 DJl5. All6e. DJl7. BJ[s. C|lo. A]l10. D]
[11. D |[12. A ][13. C |[14. C ||15. A ][16. D |[17. D |[18. D |[19. A |[20. D |
21. B |[22. D][23. B|[24. B][25. B ][26. B |[27. C][28. D |[29. C |[30. D |
31 A J[32. A |[33. A [[34. D [[35 D |[36. CJ[37. A[38. C|[39. D [[40. A |
[41. CJ[42. C |[43. A [[44. B [[45. A |[46. D J[47. D |[48. A |[49. D [[50. A |
(51 B J[52. A |[53. B [[54. B [[55. C |[56. B |[57. C |[58. C |[59. D |[60. C |
(61. A Jl62. C |[63. A [[64. A [[65. A |[66. A |[67. B |[68. B |[69. D |[70. B |
71 C 72 B |[73. A J[74. A [[75. A [76. B [[77. A |[78. A |[79. A [[80. A |
(8. A J[82. D |[83. A[[s4. B [[85. A |[s6. A [[87. B |[s8. C |[89. B [[90. B |
91. B J[92. B |[93. C[[94. A [[95. A |[96. C[[o7. C |[98. D |[99. D |[100.C |
[101. D \\102 A \\103 A [[104. A \\105 A H106 B \\107 |[108. A \\109 C |[110. A |
[111. D |[112. A |[113. B |[114. C ][115. C |[116. B |[117. A ][118. B ||119. A ||120. B |
[121. A |[122. D |[123. B |[124. D ||125. D |[126. C |[127. A |[128. A |[129. C |[130. B |
[131. A ][132. D |[133. A |[134. D ][135. D ][136. C ][137. B ][138. A ||139. B ||140. D |
[141. B |[142. A |[143. D |[144. D ]|145. C ]|146. A |[147. D ][148. C ||149. C ||150. C |
1151. C |[152. A |[153. C |[154. A ||155. D |[156. A |[157. C |[158. A |[159. A |[160. A |
[161. D ][162. D ][163. A ][164. B ][165. A ]|[166. D ][167. C ][168. B |[169. A |[170. B |
[171. A |[172. C |[173. A |[174. D ||175. C |[176. D |[177. D |[178. D ||179. C ||180. B |
[181. D |[182. B |[183. A |[184. D ||185. A ||186. B |[187. B |[188. A ||189. B ||190. B |
1191. D ][192. A ]]193. A |[194. C |[195. A |[196. A |[197. A |[198. A |[199. D ]|200. C |
[201. A ][202. B |[203. D |[204. A ][205. D ][206. C ][207. C ][208. A ||209. C ||210. D |
[211. D |[212. D |[213. B |[214. A ][215. C ][216. C |[217. A ][218. D ||219. D ||220. C |
1221. D |[222. D |[223. A |[224. C ]|225. B ||226. D |[227. C ][228. A ||229. B ||230. C |
[231. D |[232. A ][233. D |[234. A ][235. A ][236. A ][237. B ][238. C |[239. D |[240. A |
[241. C |[242. D |[243. C |[244. D ]|245. D |[246. B |[247. C ][248. D ||249. B ||250. A |
1251. C |[252. C |[253. B |[254. A ||255. C ][256. A |[257. C |[258. D |[259. A |[260. D |
1261. C ]]262. B ]]263. A |[264. A |[265. A |[266. D |[267. C |[268. A |[269. D ||270. B |
[271. D |[272. C |[273. B |[274. B ]|275. A ||276. B ||277. A |[278. B ||279. B ||280. A |
1281. A |[282. D |[283. B |[284. C ||285. C |[286. B |[287. D |[288. B |[289. A |[290. B |
1291. B [[292. D ][293. A |[294. C |[295. C ][296. B |[297. C |[298. B |[299. B |[300. C |
1301. C |[302. D |[303. C |[304. D ||305. B |[306. D |[307. C |[308. B |[309. B ||310. C |
1311. C |[312. C |[313. D |[314. D ||315. B |[316. D |[317. A |[318. A |[319. A |[320. A |
1321. D |[322. C |[323. A |[324. A ][325. D |[326. A |[327. B |[328. A ||329. A ||330. A |
1331. B |[332. B |[333. B |[334. C ||335. A |[336. D |[337. A |[338. D |[339. D |[340. C |
1341. C |[342. C |[343. A |[344. D |[345. C |[346. A |[347. B |[348. A ||349. C ||350. D |
1351. A |[352. C |[353. B ||354. B ||355. B |[356. D |[357. A |[358. A |[359. A |[360. C |
1361. D |[362. A |[363. D |[364. B ||365. B |[366. A |[367. B |[368. A |[369. D |[370. D |
1371. C ||372. C ||373. B ||374. A ||375. D |[376. D |[377. A |[378. A |[379. B ||380. D |
1381. C |[382. C |[383. A |[384. A ||385. C |[386. C |[387. A |[388. D |[389. A |[390. C |
1391. A [[392. A ][393. A |[394. A |[395. D |[396. D |[397. A |[398. D |[399. B |[400. C |
[401. D ][402. C |[403. B |[404. D ][405. A ][406. C |[407. D |[408. A ||409. D ||410. A |
[411. A |[412. D |[413. C |[414. C ||415. B |[416. C |[417. D |[418. C |[419. C |[420. B |
[421. B |[422. C |[423. A |[424. D ][425. B ][426. C ][427. D ][428. D ||429. C |[430. C |
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1431, A ][432. C |[433. D |[434. B ]|435. A ]|436. A ][437. D ][438. B ||439. B ||440. D |
[441. C |[442. C ][443. B |[444. B ||445. D |[446. D |[447. B |[448. A |[449. B ][450. C |
1451. B |[452. A |[453. C |[454. A ||455. A |[456. D |[457. B |[458. D |[459. B |[460. C |
1461. C |[462. A ][463. C |[464. A ||465. C |[466. B |[467. C |[468. B |[469. A |[470. C |
[471. C |[472. C |[473. A |[474. B ||475. A ||476. B |[477. D |[478. A ||479. C ||480. D |
1481. C |[482. A |[483. B |[484. C ||485. D |[486. B |[487. A |[488. C |[489. B |[490. A |
[491. A ][492. C ][493. B |[494. A ][495. A ][496. D |[497. C ][498. B ||499. D ||500. D |
1501. C |[502. D |[503. C |[504. A ||505. D |[506. A |[507. C |[508. B |[509. C |[510. A |
[511. A |[512. D |[513. B |[514. B ||515. B ||516. C |[517. A |[518. C ||519. D ||520. C |
1521. A |[522. A |[523. A |[524. A ||525. A |[526. C |[527. C |[528. B |[529. C |[530. D |
1531. A |[532. D |[533. A ||534. B ||535. B |[536. C |[537. A |[538. C |[539. A |[540. A |
1541. A |[542. B |[543. C ||544. D ||545. D |[546. A |[547. A |[548. A |[549. A |[550. D |
1551. B ||552. C ||553. C ||554. A ||555. A |[556. A |[557. D |[558. D ||559. B ||560. C |
1561. A |[562. B |[563. A |[564. A ||565. C |[566. A |[567. C |[568. B |[569. A |[570. A |
1571. D ||572. D ||573. D ||574. C ||575. B |[576. C |[577. B |[578. B ||579. B |[580. C |
1581. A |[582. D |[583. C |[584. A ||585. C |[586. C |[587. B |[588. B |[589. A |[590. A |
1591. B |[592. A ][593. A |[594. D ||595. A |[596. C |[597. C |[598. A |[599. A |[600. A |
1601. C |[602. D |[603. B |[604. C ||605. C |[606. B |[607. B |[608. B |[609. A |[610. B |
1611. D |[612. A |[613. B |[614. D ||615. C |[616. D |[617. C |[618. D |[619. D |[620. C |
1621. C |[622. A ][623. B |[624. B ||625. B |[626. A |[627. D |[628. B |[629. A |[630. D |
1631. D |632. A ][633. A |[634. A ||635. C |[636. C |[637. B |[638. D |[639. B |[640. C |
[641. D |[642. B |[643. D |[644. C ]|645. A ||646. B ||647. D |[648. A ||649. B ||650. A |
1651. B |[652. B |[653. B |[654. A ||655. B |[656. C |[657. B |[658. A |[659. A |[660. B |
1661. A |[662. D |[663. B ||664. D ||665. A |[666. A |[667. C |[668. B |[669. B |[670. A |
1671. A |[672. C ||673. A ||674. B ||675. D |[676. C |[677. B |[678. A |[679. D |[680. B |
1681. C |[682. C |[683. D |[684. A ||685. C |[686. C |[687. B |[688. C |[689. C |[690. C |
1691. C ]]692. B ]]693. C |[694. C |[695. A ][696. B |[697. C |[698. C |[699. D ||700. B |
1701. A |[702. B |[703. B |[704. A ||705. B |[706. C |[707. C |[708. D |[709. B ||710. B |
1711. C |[712. C |[713. A |[714. C ||715. C |[716. C |[717. B |[718. C |[719. B |[720. C |
[721. A |[722. C |[723. B |[724. A ]|725. D ||726. D |[727. A |[728. A ||729. B ||730. A |
1731. C |[732. A |[733. C ||734. C ||735. A |[736. B |[737. A |[738. C |[739. C ||740. A |
1741. C ||742. D ||743. B ||744. D ||745. D |[746. A |[747. D |[748. C ||749. C ||750. B |
1751. B ||752. A ||753. D ||754. B ||755. B |[756. A |[757. C |[758. C ||759. A |[760. D |
1761. C |[762. A |[763. D ||764. A ||765. D |[766. C |[767. D |[768. C ||769. D ||770. D |
1771. A ||772. C ||773. A ||774. D ||775. A |[776. D |[777. B |[778. D ||779. D ||780. A |
1781. B ||782. B ||783. A |[784. A ||785. C |[786. A |[787. B |[788. C ||789. B |[790. D |
1791. D |[792. A |[793. A |[794. D ||795. D |[796. D |[797. B |[798. D |[799. D |[800. B |
1801. C |[802. B ||803. B |[804. A |[805. C |[806. A |[807. A |[808. B |[809. C ||810. A |
1811. C |[812. B |[813. C |[814. A ||815. D |[816. C |[817. B |[818. C |[819. A |[820. A |
1821. C |[822. D |[823. A |[824. D ||825. D |[826. B |[827. C |[828. B |[829. A |[830. C |
1831. D |[832. C |[833. D |[834. A ||835. C |[836. C |[837. B |[838. C |[839. B |[840. C |
1841. D |[842. A |[843. D |[844. D ||845. B |[846. C |[847. A |[848. A |[849. B |[850. B |
1851. A |[852. A |[853. A |[854. A ||855. C |[856. A |[857. B |[858. A |[859. A |[860. D |
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1861. A |[862. D |[863. C |[864. A ||865. A |[866. C |[867. A |[868. B |[869. D |[870. B |
1871. B ||872. D ||873. A ||874. C ||875. B |[876. C |[877. D |[878. C ||879. B ||880. A |
1881. A |[882. D |[883. D |[884. C ||885. B |[886. D |[887. A |[888. D |[889. B |[890. B |
1891. B |[892. D |[893. B |[894. D ||895. B |[896. B |[897. D |[898. D |[899. A |[900. B |
1901. C [[902. D ][903. B |[904. A |[905. A |[906. C |[907. A |[908. D |[909. B |[910. C |
[911. A ][912. C |[913. D |[914. A ]|915. C ||916. B ||917. C ][918. C ||919. D ||920. D |
1921. D ][922. B ][923. D |[924. C ]|925. B ][926. D ][927. A ][928. A ||929. B ||930. D |
1931. C []932. C ][933. B |[934. A |]935. A ][936. B |[937. A |[938. D |[939. A |[940. D |
1941. C [[942. C ][943. C |[944. C ||945. C ][946. B |[947. B |[948. C |[949. C ][950. A |
1951. B ][952. C ][953. C |[954. B ]|955. B ]|956. A |[957. C ][958. B ||959. D ||960. A |
1961. B |[962. A ][963. D |[964. D ||965. A ][966. A |[967. D |[968. A |[969. A |[970. C |
1971. A |1972. D ||973. B ||974. B ||975. D |[976. B |[977. D |[978. B |[979. A ][980. C |
1981. A ]]982. A ]]983. A ||984. B |[985. A ][986. C |[987. D |[988. A |[989. D ][990. D |
1991. B [[992. C ][993. B |[994. A |[995. C ][996. A |[997. B |[998. B |[999. A |[1000.C |
11001B |[1002.A ][1003.C |[1004B |[1005C |[1006B |[1007.C |[1008.A |[1009B |[1010D |
[1011.A |[1012B |[1013A |[1014B ][1015C |[1016.C |[1017D |[1018B |/1019.C ||1020.A |
[1021.D |[1022.A |[1023.C |[1024A ][1025.C |[1026.C |[1027A |[1028D ||1029B ||1030.A |
[1031.A ][1032.A |[1033D |[1034D ][1035.A |[1036.C |[1037.A |[1038B ||1039.A ||1040B |
[1041.D |[1042B |[1043.C |[1044D ][1045.A |[1046.A |[1047D |[1048.A ||1049D ||1050.A |
11051.D ||1052D ]|1053A |[1054D |[1055B |[1056D |[1057.C |[1058.A ||1059.A ||1060.A |
11061.A |[1062D |[1063.C |[1064D ||1065D |[1066D |[1067.C |[1068.C |[1069D |[1070.C |
11071.A |[1072B |[1073B |[1074D ||1075B |[1076.A |[1077.C |[1078B |[1079D |[1080B |
[1081.A |[1082B |[1083D |[1084D ||1085.C |[1086.A |[1087.A |[1088.A |[1089B |[1090.A |
[1091.D ][1092.A ][1093B ][1094.A ][1095D ][1096.A ][1097.C ][1098.C |[1099B |[1100.A |
[1101.C |[1102A |[1103A |[1104D ][1105.C |[1106.A |[1107.A |[1108D |[1109.C ||1110A |
[1111B |[1112.C |[1113A |[1114C ][1115C |[1116B |[1117D |[1118A |[1119D |[1120C |
[1121.A |[1122D |[1123B |[1124C |[1125D |[1126D |[1127.A |[1128D |[1129B |[1130D |
[1131B |[1132D |[1133A |[1134D ][1135B |[1136D |[1137.C |[1138C ||1139.C ||1140B |
[1141D |[1142A |[1143B |[1144D ][1145C |[1146A |[1147D |[1148D ||1149.A ||[1150D |
[1151.C |[1152.A |[1153B |[1154D ][1155D |[1156.D |[1157.C |[1158D ||1159D |[1160.C |
[1161.D |[1162D |[1163A |[1164B ]|1165.C ||1166B ||[1167C |[1168C ||1169.A ||1170B |
[1171.C |[1172B |[1173.C |[1174A |[1175D |[1176A |[1177.C |[1178C ||1179A |[1180C |
[1181.C |[1182B |[1183B |[1184D ][1185D |[1186.A |[1187.C |[1188C ||1189D |[1190C |
[1191.D |[1192D |[1193D |[1194.C |[1195D |[1196D |[1197.A |[1198B ||11998 ||1200.A |
11201.A |[1202D ][1203.C |[1204A |[1205C |[1206D |[1207B |[1208.A |[1209D |[1210D |
[1211B |[1212A |[1213B |[1214C |[1215B |[1216C |[1217A |[1218C ||1219D |[1220C |
[1221.C |[1222B |[1223A |[1224B ][1225.C |[1226.A |[1227A |[1228A ||[1229.A |[1230C |
112318 |[1232.C |[1233D |[1234.C ||1235.A |[1236D |[1237.D |[1238D |[1239.C |[1240.A |
[1241D |[1242A [[1243D |[1244.C ][1245C |[1246B |[1247D |[1248A ||1249B ||[1250D |
(12518 |[1252.A |[1253B |[1254D ][1255D |[12568 |[1257.C |[1258D ||1259.C ||1260B |
[1261.D |[1262.A |[1263A |[1264.C ][1265.A |[1266.C |[1267.A |[1268C ||1269.C ||1270B |
[1271A |[1272A |[1273D |[1274C |[1275B |[1276.A |[1277B |[1278D |[1279D |[1280.A |
[1281.D |[1282D |[1283D |[1284D |[1285D |[1286.D |[1287B |[1288D ||1289.A ||1290D |
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[1291.D |[1292B |[1293B |[1294.A ][1295D |[1296D |[1297.C |[1298.A |[1299D |[1300C |
[1301.A |[1302.C ][1303.A |[1304A |[1305B |[1306.C |[1307.D |[1308.A |[1309.A |[1310D |
[1311.A |[1312D |[1313A |[1314C ][1315D |[1316C |[1317A |[1318D ||1319B ||1320C |
[1321.C ][1322.C |[1323D |[1324D ][1325.C |[1326.C |[1327B ][1328.A ||1329D ||1330C |
[1331.C ][1332.D |[1333.C |[1334D ]|1335D ||1336.8 ||1337.A |[1338.A ||1339B ||1340C |
[1341B |[1342C |[1343B |[1344B ]|1345B ||1346B |[1347B |[1348C ||1349D ||1350A |
[1351.A ][1352.C |[1353D |[1354.A ][1355.A |[1356.A |[1357.A |[1358D ||1359.C ||1360B |
[1361.A |[1362.C |[1363.A |[1364A ||1365.C |[1366D |[1367.C |[1368B |[1369.C |[1370B |
[1371.D |[1372B |[1373B |[1374.A ][1375.C |[1376.D |[1377.A |[1378B ||1379.C ||1380.A |
11381D |[1382B |[1383D |[1384.C ||1385.C |[1386B |[1387.C |[1388.C |[1389.C |[1390.A |
[1391B |[1392.C |[1393D |[1394B ][1395D |[1396D |[1397D |[1398.A ||1399.C ||1400B |
[1401.C |[1402D |[1403.C |[1404.A ][1405A |[1406.A |[1407.A |[1408A |[1409.C ||1410D |
[1411A |[1412A ][1413D |[1414C ||1415D |[1416.A |[1417.A |[1418B |[1419B |[1420D |
[1421.C |[1422.C |[1423D |[1424.C ][1425.C |[1426D |[1427B |[1428D ||1429.A ||1430B |
[1431.A ][1432D |[1433B |[1434B ]|1435B ||1436D |[1437D |[1438.A ||1439.C ||1440B |
[1441.C |[1442D |[1443D |[1444.C ]|1445A |[1446.C |[1447D |[1448C ||1449C ||1450A |
[1451.C ][1452A ][1453D |[1454.C ][1455D ][1456.A ][1457B ][1458.A |[1459B |[1460.A |
[1461.D |[1462.C |[1463D |[1464.C ]|1465.C ||1466B |[1467D |[1468A ||1469.A ||1470D |
[1471.A |[1472A |[1473A |[1474C ][1475.C |[1476D |[1477D |[1478B ||1479D ||1480D |
[1481D |[1482.C |[1483D |[1484D ||1485.C |[1486.A |[1487.C |[1488.C |[1489.D |[1490D |
[1491.A [[1492.C [[1493.C |[1494D ][1495D |[1496.A |[1497D |[1498D ||1499.A |[1500D |
[1501.D |[1502.D |[1503.C |[1504D ][1505.C |[1506.D |[1507.A |[1508B ||1509.A ||1510C |
(15118 |[1512.C |[1513A |[1514D |[1515B |[1516.A |[1517B |[1518B ||1519.C ||[1520C |
[1521B ][1522D |[1523A ][1524.A ][1525A ][1526B ][1527.C ][1528.A |[1529D |[1530D |
[1531.A |[1532A ][1533.C |[1534.C ||1535B |[1536.C |[1537.D |[1538.A |[1539.C |[1540.C |
[1541.D |[1542.C |[1543D |[1544B ||1545A |[1546.A |[1547.C |[1548D ||1549D ||15508B |
[1551D |[1552D |[1553.C |[1554B ||1555B |[1556.A |[1557.C |[1558.A |[1559.D |[1560.A |
[1561.A |[1562.C |[1563.A |[1564D |[1565.C |[1566B |[1567B |[1568.C ||1569D ||1570D |
11571.C |[1572D |[1573B |[1574C ||1575.C |[1576.C |[1577.D |[1578D |[1579.C |[1580.C |
11581D |[1582A |[1583B |[1584.C ||1585.C |[1586B |[1587.A |[1588.C |[1589.C |[1590B |
[1591B |[1592B |[1593D |[1594B ][1595A |[1596D |[1597.C |[1598.C ||1599.C ||1600D |
[1601.C |[1602D |[1603B |[1604D |[1605D ||1606.A |[1607B ||[1608D |/1609D ||1610B |
[1611.C |[1612.C |[1613.C |[1614.C ||1615B |[1616D |[1617.A |[1618A ||1619.A ||1620.A |
[1621.C |[1622.D |[1623.A |[1624D ][1625.A |[1626.D |[1627D |[1628D ||16298 ||1630.A |
[1631.D |[1632.A |[1633B |[1634.C ]|1635D |[1636.A |[1637D |[1638D ||1639.A ||1640D |
[1641.D |[1642.C |[1643.C |[1644D ]|1645D |[1646.A ||[1647A |[1648A ||1649D ||1650C |
11651D |[1652.C |[1653.C |[1654B ||1655.C |[1656B |[1657.C |[1658D |[1659D |[1660.A |
116618 |[1662.A |[1663.A |[1664B ||1665.A |[1666D |[1667.A |[1668.A |[1669.A |[1670.A |
[1671.A |[1672D |[1673.A |[1674D |[1675D |[1676.C ||[1677.A |[1678A ||1679.C ||1680.C |
[1681.D |[1682.A |[1683.C |[1684.A |[1685B ||1686.A |[1687.C |[1688B ||1689.D ||1690.A |
11691.A |[1692D |[1693D |[1694B |1695.C |[1696.C |[1697.D |[1698.C |[1699.C |[1700B |
[1701.C ][1702B ][1703.C ][1704D ][1705.A ][1706.A ][1707B ][1708.A |[1709D |[1710.C |
[1711D |[1712B |[1713.C |[1714A |[1715D |[1716A |[1717B |[1718A ||1719B ||[1720D |
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[1721.C |[1722.C |[1723.C |[1724.A |[1725B |[1726B |[1727A |[1728A ||1729D ||1730D |
[1731B |[1732D |[1733B |[1734.C ||1735C |[1736.A |[1737.A |[1738A |[1739.A |[1740B |
[1741.C |[1742B |[1743D |[1744D |[1745A |[1746.C |[1747D |[1748A ||1749B ||1750B |
11751.C |[1752.C |[1753.A |[1754D ||[1755.C |[1756.C |[1757B |[1758.A |[1759.C |[1760.C |
[1761.D |[1762.D |[1763B |[1764.A |[1765.C |[1766.A |[1767B |[1768C ||1769D ||1770C |
[1771.A |[1772.C |[1773B ||1774D ||1775.A |[1776.C |[1777.A |[1778.C |[1779.A |[1780B |
[1781.A |[1782D |[1783.A |[1784A |[1785C |[1786.C |[1787.C |[1788D |[1789.A |[1790D |
[1791.D |[1792B |[1793B |[1794B |[1795B |[1796D |[1797B |[1798D ||1799B |/1800C |
[1801.D |[1802.A |[1803.D |[1804.A ||1805.A |[1806.B |[1807.A |[1808B |/1809.C ||1810B |
[1811.A |[1812C |[1813D |[1814.A |[1815.C ||1816B ||1817A |[1818D ||1819.A ||1820B |
[1821B |[1822.C |[1823.C |[1824.A |[1825D |[1826.C ||1827.A |[1828D ||1829.A ||1830D |
[1831.B |[1832B |[1833.A |[1834D ]|1835D ||1836.A |[1837B |[1838.C ||1839.D ||1840.A |
[1841.A |[1842A |[1843D |[1844.A ||1845.A |[1846B |[1847B |[1848.A |[1849D |[1850D |
[1851.C |[1852D |[1853B |[1854.A ||1855.A |[1856B |[1857.C ||1858.A ||1859.A ||1860B |
[1861.A |[1862D |[1863B |[1864.C ]|1865.A ||1866.C ||1867.A |[1868B ||1869.A ||1870.C |
118718 |[1872.D |[1873D |[1874.A ||1875.A ||1876.A |[1877.A |[1878C ||1879.C ||1880B |
11881D |[1882B |[1883D |[1884.C ||1885D |[1886.3 |[1887.C |[1888.A |[1889.D |[1890B |
[1891.D |[1892.C |[1893.A |[1894B ][1895.A |[1896.A |[1897.A |[1898B ||1899B |[1900D |
[1901.C |[1902B |[1903.A |[1904B ][1905.A |[1906D |[1907B |[1908.A |[1909.C ||1910.A |
[1911.A |[1912B |[1913.A |[1914A |[1915D |[1916B |[1917.A |[1918A |[1919B |[1920D |
[1921B |[1922B [[1923D |[1924.A ][1925D |[1926D |[1927A |[1928C |[1929.C ||1930B |
(19318 ][1932.A ][1933.A |[1934D ||1935A |
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