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Chohams6 y = f(z) xac dinh, lién tuc trén (a;b), (c6thé ¢ 1a —oco, b la +oo0) va z, € (a;b):

AN

— Neéu ton tai s6 h > 0 sao cho f(z) < f(z,) véimoi z € (x, —h; . +h) va z = z_ thita
ndi ham sd f(z) dat ceee dai tai di€ém z_.
— Neéu ton tai s6 h > 0 sao cho f(z) > f(z.) véimoi x € (x, —h; . +h) va z = z_ thita

ndi ham sO f(z) dat cyee tiéu tai diém =z_.

Cac dinh 1i

1. Dinh li 1 (diéu kién can)
Néu ham s6 y = f(z) cé dao ham trén khoang (¢;b) va dat cuee dai (hodc cuc tiéu) tai
thi f'(z.) = 0.

2. Dinh li 2 (diéu kién dua)
Gia st y = f(z) lién tuc trén khoang K = (z, — h; z_ + h) va c6 dao ham trén K hodc
trén K\ {z_}, v6i h > 0. Khi dé:

— Néu f'(z) > 0 trén khoang (z. —h; z.) va f'(z) <0 trén khoang (z_; = +h) thi z_ la
mot diém cuce dai ctia ham s f(z).

— Néu f'(z) <0 trén khoang (z. —h; x.) va f'(z) > 0 trén khoang (z_; = +h) thi z_ la
mot diém cuc tiéu ctia ham s6 f(x).

T T, —h T T, +h T Tz —h T Tz +h
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Noi cach khac:

y = f(z) dat cyc ti€u tai diém z .

y = f(z) dat cyc dai tai diém z_.

2. Pinh1li 3

— Néu f/(z) d6i ddu tir am sang dwong khi = di qua diém z_ (theo chiéu ting) thi ham s&

— Néu f/(z) d6i ddu tir dwong sang am khi = di qua diém z_ (theo chiéu ting) thi ham s&

Gidst y = f(z) cd daoham cdp 2 trong khoang (z, — h; x + h), véi h > 0. Khi do:

— Néu y'(z,) =0, y"(z.) >0 thi z la diém cuc tiéu.
— Néu y'(z) =0, y"(z,) <0 thi z ladiém cyc dai.

Chua y. Mot ham s6 chi c6 thé dat cuc tri tai mot diém ma tai d6 dao ham cta ham s6

bgmg 0, hodc tai d6 ham s6 khong c6 dao ham, Chéng han ham s6 y = ‘x‘

B. CAC DANG TOAN THUONG GAP VA PHUONG PHAP GIAI

PDang todn 1: Tim diém ace dai, ee tiéu, gid tri ewe dai, gid tri ee tiéu

Yo e e

* Bai toan: Tim cac diém cuc dai, cuc ti€u (néu cd) cua ham sd y = f(x).

» Phwong phap:

* Budc1. Tim tap xac dinh ¥ cta ham s6.

e Budc2. Tinh daoham ¢’ = f'(z). Tim cac diém z, (i =1,23,...,n) matai d6 dao ham
bang 0 hodc khong xac dinh:

* Buwéc 3. Sdp xép cic diém z, theo thit tu ting dan va lap bang bién thién.

* Budc4. Twr bang bién thién, suy ra cac diém cuec tri (dwa vao ndi dung dinh ly 2).

1.

BAI TAP VAN DUNG

Choham s6 y = f(x) co bang bién thién: | 2. Choham sd y = f(z) c6 bang bién thién:

T| —00 -1 2 +00 T | —00 1 2 400
f(z) -0 4+ 0o - f(2) + o - 0 +

+00
1 3 +00
f(z) \_3/ \ f@) / \72/
Ham s6 dat cuc tiéu tai: z = —1. o Ham s0 dat cuc tiéu tai:

Ham s6 dat cuc dai tai: z = 2.

Gia tri CD (cuc dai) cia ham s&: y_ = 1.
Gia trj CT (cue tiéu) cia ham s6: y,, = —
biém cuc dai cua d6 thi ham s&: M(2;1).

biém cuc tiéu do thi ham s6: N(—1;—3).

Ham s6 dat cuc dai tai:

Gia tri CD (cuc dai) cia ham s6:
Gia tri CT (cuec tiéu) ciia ham sé:
Diém cuc dai ctia d6 thi ham so:

Diém cuc tiéu ctia d6 thi ham so:
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3. Chohamsd y = f(z) cobangbién thién: | 4. Choham sd y = f(x) c6 bang bién thién:
r |—oo -1 0 1 400 r |—oo  —1 0 1 400
y' + | - 0 + y + 0 - - 0 +
1 400 || +o0 —4 400 400
NN N NS
— 00 1 —00 —00 +0o0 4
o Ham so dat cuc tiéu tai: o Ham so dat cuc tiéu tai:
o Ham s0 dat cuc dai tai: o Ham s6 dat cuc dai tai:
+ Gid tri CD (cuc dai) cia ham sé: + Gid tri CD (cuc dai) cia ham sé:
 Gia tri CT (cuc ti€u) ctia ham so:  Giad tri CT (cuc ti€u) cuia ham so:
e Diém cuc dai ctia d6 thi ham so: e Diém cuc dai ctia d6 thi ham so:
e Diém cuc tiéu ctia d6 thi ham so: e Diém cuc tiéu ctia d6 thi ham so:
5. Chohamsd y = f(x) c6 do6 thi: 6. Chohamsd y = f(x) c6 do6 thi:
Ay 7
e ! i B i
----- 2 : !
2N i i
_4 -1 0 2 3 \
» Ham s6 dat cuc ti€u tai: « Ham s6 dat cuc tiéu tai:
« Ham s6 dat cuc dai tai: « Ham s6 dat cuc dai tai:
+ Gid tri CD (cuc dai) cia ham sé: . Gid tri CD (cuc dai) ctia ham s&:
 Gia tri CT (cuc ti€u) cua ham so: « Gié tri CT (cuc tiéu) ctia ham s&:
» Diém cuc dai cua d6 thi ham s6: « Dbiém cuc dai cua d6 thi ham so:
» Diém cyc tiéu ca d6 thi ham s&: « Dbiém cuc tiéu cua d6 thi ham so:
7. Chohamsd y = f(x) c6 d06 thi: 8. Chohamsd y = f(x) c6 do6 thi:

Ham s6 dat cuc tiéu tai:
Ham s6 dat cuc dai tai:

Gia tri CD (cuc dai) ctia ham s6:

o Ham so dat cuc tiéu tai:

o Ham s0 dat cuc dai tai:

+ Gid tri CD (cuc dai) cia ham sé:
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8. Gidtri cyec dai claham s6 y = 2* — 32 + 1

bang
A. 3. B. —1.
C. 1. D. 4.

Loi gidi. Tap xac dinh 7 = R.

r=1=y=-1
y =31"-3,yY =0« Y

x:—1:>y:3.

Gidi han: lim y = —c0 va lim y = +o0.
T——00 T——+00

T |—00 —1 1 400

y' + 0 - 0 +

y _00/3 \1/—1—00

Gia tri cyc dai y, = 3. Chon A.

9. Gia tri cuc dai ham s6 y = 2° — 122 — 1

bang
A. —17. B. —2.
C. 45. D. 15.

10. Diém cuc dai ctia d6 thi ham so:

y=—-2"—32"+11a
A. z=0.
C. N(0;1).

B. M(—2;—19).
D. z =-2.

11. Diém cuc tiéu ctia &6 thi ham so:
y=—2'4+22"+51a
A. A(-16). B. z=0.
C. 5. D. B(0;5).

12. Diém cuc dai ctia d6 thi ham so:

y=2z2'—42>+31a

13. Gia tri ctia tiéu ctaa d6 thi ham s6
y = —x' +22° + 2 bang

A. 2. B. (0;2).

C. (1;3). D. 3.
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’ 2 1 ! - 115.Goi M, n Ian luwot la gia tri cyc dai, gia
14. Chohamso y = i il Y Diém cuc tiéu e ) E
7 ==l . ot z°+ 3z 4+ 3
s s o . tri cyc tifu ctaham s y = —— -
ctia ham s6 da cho la z+2
A, z=-1. B. z =-2. Gia tri cia M* — 2n bang
C. z=0. D. (—2;-3). A. 6. B. 7. C. 8. D. 9.

16. Tim gia tri cye dai g, (n€u c6) ciaham s6 | 17 Tym cye dai ctia ham s6 y =2Vl —2°

y=+3—2z— 1. J2

Ay, =0 B. y, =2 2 2

1
C.y, =3 D. y, =3 C — D.

Bien soan & gidang day: Ths. Lé Odan Poan — 0933.755.607 Trang - 67 -



SO GD & PT TP. HO CHi MINH DI CUONG HOC TAP LOP 12

TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN Moén: Toan, Nim hoc: 2019 — 2020

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

BAI TAP VE NHA 1
(Pé thi THPT QG nam 2019 - Ma dé 104) Cho ham s8 f(z) c6 bang bién thién:
X |- 1 3 +ax
f'(x) + 0 -0 +
2 +®
f() / \. /
—x -2

Ham s6 da cho dat cuec tiéu tai
A. z=-2. B. z=1. C. z=3. D. z=2.

(S6 GD & DT Tp. HCM nam 2018) Choham s6 y = f(z) c6 d6 thi nhu hinh vé. Ménh
dé nao dung ?

A. Ham s6 co gia tri cuc tiéu bgmg 2.

B. Ham s& c6 gia tri 1én nhat bang 2.

C. Ham s6 dat cuc dai tai z = 0 va cuc tiéu tai z = 2.

D. Ham so c6 ba diém cuc tri.

, 1
(THPT Chuyén Vinh Phtic 2018) Ham s8 y = ——

Sy cO bao nhiéu diém cuc tri ?
x _

A. 1. B. 0.

C. 2 D. 3.

(S6 GD & DT Bac Liéu 2019) Diém cuc tiéu ciaham s8 y = 2° — 32" — 92 + 2 1a

A. z =11 B. = 3.

C.z=T. D. z=-1

(THPT Thing Long — Ha N6i2018) Cho ham s6 y = —z"' + 2z° — 1. Diém cuyc tiéu
ctia ham s6 la

A z=1 B. (0;—1).

C. z=-1 D. z=0.

(THPT Nhan Chinh Ha N§i 2019) Cho ham s8 y = v2* — z — 20. Ménh dé nao sai ?
A. Ham sd nghich bién trén khoang (—oo;—4).

B. Ham s6 dat cuc dai tai z = 5.

C. Ham s0 dong bién trén khoang (5;+00).

D. Ham s6 khong co cuec tri.

(S6 GD & PT Tp. HCM - Cum 5 nam 2017) Khoang cach gitta hai diém cuc tri caa

do6 thi ham s y = o241 bang
r+1

A. 45,

B. 4.

C. 8.

D. 52.
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18. Cho ham s& y = f(z) xéac dinh va lién tuc | 19. Choham s6 y = f(z) xac dinh va lién tuc
trén R, c6 f'(z) = 2°(z — 2)’(z — 9). Ham trén R, ¢6 f'(z) =(z—1)(3—z). Ham

s0 y = f(z) dat cuc tiéu tai diém s0 y = f(x) dat cyc dai tai diém
A. z=0. B. z =2. A z=1. B. z =2.
C. z=09. D. z =1. C. z=3. D. z = 0.

Loi gidi. Tap xac dinh: 7 = R.
Taco: f'(z) = 2*(x —2)*(x —9) =0

56320 :C:O
Sl(z-2)=0&|r=
z—9=0 T =

Bang xét dau f'(x) (mdi 6 thir 1 diém):

T —00 0 2 9 +00

+ 0 - 0- 0 +

Ham s6 da cho y = f(z) dat cuc tiéu tai

diém z = 9.
Chon dap an C.

20. Cho ham f(z) ¢6 f'(z) = 2*(z —1)(z +2)* | 21. Cho ham s6 y = f(z) va c6 dao ham

Vz € R. Diém cuc tiéu ctaa ham s6 f(z) la f'(z) = (z +1°(z — 2)°(2x + 3), Vz. SO
A 7 — 2 B. z = 0. diém cyec tri cilaham s6 y = f(z) 1a
C. z=1. D. z =-3. A. 3. B. 2. C. 0. D. 1.
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22. Cho ham s8 f(z) xac dinh, lién tuc trén R va c6 d6 thi ham s8 y = f'(z) 1a duong cong
nhuw hinh vé. H6i ménh dé nao dung ?

A. Ham s6 y = f(z) dat cuc dai tai diém x = —4/3.

B. Ham s y = f(z) dat cuc tiéu tai diém z = 0. /\
(z)

C. Ham s y = f(z) dat cuc tiéu tai diém z = £2. 2/_1
3
D. Ham s6 y = f(x) dat cuc dai tai diém z = 4/3.
Loi giai tham khao

N . , . ) , T = £2

b6 thihams6 y = f'(z) cattruc Oz :y=0taiz =142, 2=0= f'(z) =0 < :
Tr =
Bang xét dau:
z —00 —2 0 2 ~+00

f(x) - 0

+ 0 — 0 +
f@ m— T,

T bang bién thién, suy ra ham s6 y = f(z) dat cyc tiéu tai = = £2. Chon dap an C.

23. Cho ham s8 f(z) xac dinh, lién tuc trén R va c6 d6 thi ham s8 y = f'(z) 1a duong cong
nhuw hinh vé. H6i ménh dé nao dung ?

A. Ham s6 y = f(z) dat cuc tiéu tai diém z.= +1.
B. Ham s6 y = f(z) dat cuc tiéu tai diém z = 0.

(z)
C. Ham s6 y = f(z) dat cyc dai tai diém z = —2.

D. Ham s6 y = f(x) dat cuc dai tai diém z = 2.

2.1. Choham s f(r) c6 dd thi f'(z) ctiané trén khoang K nhu hinh vé. Khi d6 trén K,
ham s6 y = f(z) cd bao nhiéu diém cuec tri ?

O N = >
N W e

Bien soan & giang day: Ths. Lé Odan Poan — 0933.755.607 Trang - 70 -



SO GD & DT TP. HO CHi MINH DI CUONG HOC TAP LOP 12

TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN Moén: Toan, Nim hoc: 2019 — 2020

24.

D06 thi ham s8 y = f'(z) c6 d6 thi nhu hinh vé dudi ddy. Ham s6 y = f(z) — 3z + 2019
c6 mdy diém cyec tri ?

A. 1.
B. 2. | :
C. 3. 3 I\
D. 4.
25. Cho ham s8 f(z) xac dinh trén R va c6 d6 thi f/(z) nhu hinh vé bén dwdi. Ham s&
g(z) = f(z) — z dat cyc dai tai
A z=-1
B. z=0. B
Cz=1
D. z =2.
26. Cho ham s6 y = f(z) xdc dinh va lién tuc trén R, c6 do thi cia ham dao ham y = f/(x)
nhu hinh vé. Xac dinh gia cuc ti€u ctia ham s6 g(z) = f(z) + x.
A f)+1. A 1 2
O} E ‘: X
B. z =1. ]
C. f(0).
D. f(2)+2
3
27. Cho ham s8 f(x) c6 d6 thi y = f'(x) nhw hinh. Hoi ham ¢(z) = f(z) — % +2° —x+2
dat cuwc dai tai
A z=-1
B. z=0. » .
C.z=1
D. z =2.
28. Cho ham s8 4 = f(z) c6 dao ham, lién tuc trén R va c6 d6 thi ¥ = f'() nhu hinh vé. Xét
ham s6 g(z) = 3f(z* —2) + 2334 — 32°. Ham s6 g(x) dat cuec dai tai diém
A z=-1 7 /
y'=f"& ]
B. r = 1. R 0 ;1 f)
|
C. z=0. :
D. z =2. T
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

BAI TAP VE NHA 2

(THPT Lé Quy Poén - Pa Nang 2019) Cho ham s& y = f(z) lién tuc trén R, c6 dao

ham f'(z) = (1 — 2)*(3 — z)’(x — 2)*. Diém cuc tiéu cia ham s6 y = f(z) la

A. x=2.
B. z=3.
C. z=1.
D. x=0.

(THPT Chuyén Lé Thanh Tong — Quang Nam 2019) Cho ham s y = f(z) lién tuc
trén R va cé daoham f/(z) = (z + 2)(z — 1)*(z — 2)**"". Khang dinh nao dang ?

A. Ham s6 y = f(z) dat cyc dai tai diém z = 1 va dat cyc tiéu tai cac diém z = +2.
B. Ham s8 y = f(r) dong bién trén mdi khoang (1;2) va (2;+00).

C. Ham s6 y = f(z) cd ba diém cuc tri.

D. Ham s6 y = f(z) nghich bién trén khoang (—2;2).

(THPT HOA LU A - Ha N6i ndm 2018) Cho ham s8 y = f(z) c6 dao ham trén R va
d6 thi ham s& y = f'(z) trén R nhu hinh vé&. Ménh dé nao dting ? | »
A. Hdim s6 y = f(z) c6 1 diém cyc dai va 1 diém cue tiéu.

B. Ham s6 y = f(z) c62 diém cyc dai va 2 diém cyec tiéu.

C. Ham s6 y = f(z) ¢6 1 diém cuc dai va 2 diém cuc tiéu. 0 \/ *

D. Ham s6 y = f(z) ¢6 2 diém cuc dai va 1 diém cyc tiéu.

(S6 GD & DT Hau Giang 2018) Cho ham s6 y = f(z) xac dinh va lién tuc trén R va
ham s6 y = f/(z) c6 d6 thi nhue hinh vé duéi day. Khang dinh nao dang ?

A. f(z) dat cuc dai tai z = 1. y = ()
B. f(z) dat cuc dai tai z.= 0. /\[ /

C. f(x) dat cyc daitai z = —1. _2/ 0’\/2 *
D. f(x) dat cuc dai tai z = £2.

(THPT Chuyén Lwong Van Chanh - Phic Yén 2018) Cho ham s6 y = f(x) c6 dao
ham lién tyc trén R. D6 thi ham s8 y = /() nhw hinh vé. S6 diém cuc tri ctia ham
s6y= f(z)—bx la
A. 2.

B. 3.

C. 4.

D. 1.

(THPT M0 Ditc — Quiang Ngii nam 2018) Cho ham s y = f(z) ¢6 dao ham trén R.
Biét ham s6 y = f/(x) c6 d6 thi nhw hinh vé. Khang dinh nao sau day dung vé cuec tri

~—

- —

(&) 1

cta ham s6 ¢(z) = f(z) + z. y
\ A A « A2 N \ A « A2 « A2 2+ ~

A. Ham s6 c6 mot diém cuc dai va mot diém cuec tiéu. '\

B. Ham s6 khong c6 diém cuc dai va mot diém cuc tiéu. | P\ x
\ A ’ A « A2 . \ A « A2 « A2 -1 o 2

C. Ham s6 c6 mot diém cuc dai va mot diém cuc tiéu. x /

D. Ham s6 c6 hai diém cuc dai va moét diém cuec tiéu. 27
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29. Choham s6 y = f(x) c6 do6 thi nhu hinh vé. D6 thi ham s6 y = ‘f(:r;)‘ c6 may cuc tri ?

on =@

Tir d6 thi ham s6'y = f(x). Hay nén cdch vé do thi ham
s6'y = ‘f(a:)‘

S W

30. Choham s6 y = f(x) c6 d6 thi nhu hinh vé bén dudi. Hoi d6 thi ham s6 y = ‘f(:r;)‘ c6 bao

nhiéu diém cuec tri ?

D.

- A

B.

d.

31. Biét d6 thi ham s8 y = z* + 32°. c6 dang nhw hinh vé. Hoi d6 thi ham s6 y =

z® + 3z°

cO bao nhiéu diém cuc tri ?

32. (Dé thi THPT Qudc Gia nam 2017 - Ma dé 102 cau 42) Choham s8 y = f(z) cd bang bién

thién nhw sau:

!

Yy + 0 - 0 +

y N / 5 \ 1 / +no

D06 thi ham s6 y = ‘ f(:r;)‘ cO bao nhiéu diém cuc tri ?

o0 = »

oo N

33. Choham s8 y = |z' — az® — b| véi a, b 1a hai s8 thuc dwong. Hoi d6 thi ham s& da cho c6

bao nhiéu diém cuec tri ?

oo w»

o O Now

Bien soan & gidang day: Ths. Lé Odan Poan — 0933.755.607 Trang - 73 -



SO GD & PT TP. HO CHi MINH
TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN

DI CUONG HOC TAP LOP 12
Mon: Toan, Nam hoc: 2019 — 2020

34. Choham s6 y = f(x) c6 do6 thi nhu hinh vé. D6 thi ham s6 y = f(‘x‘) c6 mdy cuc tri ?

A. 2. 17 Tir d6 thi ham s6'y = f(z). Hay nén cich vé do thi ham
B. 3. o'y = /().

C. 4. o T

D. 5. / 2 *

35. Choham s§ y = —2* + 32° — 3z + 1 ¢6 d6 thi nhu hinh. Do thi y = —\xf +32% — 3|2 +1

cO bao nhiéu diém cuec tri ?

5
36. Choham s6 y = 2° — 32” + 22 + 2 c6 d06 thi bén. Db thi y:‘x‘ —32° —|—2‘a:‘—|—2 co bao

nhiéu diém cuec tri ?

x | - -2 4 R

V' + 0 - 0 +

—

D06 thi ham s6 y = f(‘x‘) cO bao nhiéu diém cuc tri ?

A. 2.
B. 3.
C. 4.
D. 1.

38. Cho ham s8 y = f(z) c6 dao ham f'(z) = (z +1)*(z — 2)’(x + 3)’, Vo € R. S8 di€ém cuc

tri ciaham sd y = f(‘x‘) la
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

BAITAP VE NHA 3
(THPT Hoa Luw A — Ninh Binh nam 2018) Cho ham s6 y = f(x) lién tuc trén R va c6

d6 thi nhu hinh vé. Hoi d6 thi ham s6 y = ‘ f(a:)‘ cO tat ca bao nhiéu diém cuc tri ?

A. 5. 7
B. 3, /
C. 2.

D. 4. |
(S6 GD & DT DPoéng Thap 2019) Cho db6 thi ham s6 f(z) = az’ + bz’ + ¢ nhw hinh

~ \ ~ 4 2 , A .
ve. Ham s y = |axz” + bx~ + ¢| c6 bao nhiéu cuec tri ? Ny

A. 3.
i
B. 5. /T

c. 6. T\

D. 7. T3
(S6 GD & PT Tra Vinh 2019) Cho ham s8 f(z) = az’ + b2’ + cz + d ¢ bang bién

thién bén dudi. Ham s6 y = ‘f(a:)‘ c6 mdy cuc tri ?

8N

r | —m 0 1 400

y' o - 0 +

A. 5.
B. 3.

C. 2. Y _%/1\ 0/_x

D. 4.
(S6 GD & DT Binh Dwong 2018) Cho ham s8 y = z° — 62° + 9z ¢4 bang bién thién

3
&) \ A 2 ’ A N 3
dwdi. Ham so y = ‘x‘ — 62" 4+9 ‘x‘ cO may cuc tri ? A

4

A. 3.
B. 5.
C. 6.
D. 7.

(S6 GD & PT Phut Tho ndm 2017) Cho bang bién thién ctia ham s§ y = z° — 3z bén

>
© 1 9 8

4 3 14 A~ .« A? .
dwdi. Ham so y = ‘x‘ — 3‘3:‘ cd may diém cuc tri ?
T | —m™ —1 1 —+00

A. 5. y*’ i 0 — 0 4
B. 3.

C. 2. Y _%/Q\_Q/_x

D. 4.
(S6 GD & DT Pong Nai nam 2018) Cho d6 thi ham s6 y = (z — 2)(z” — 1) nhu hinh

vé. D6 thi ham s6 y = ‘x — 2‘ (2> —1) c6 mdy diém cyc trij ? y

>

D.

onw

=W
S
=
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39. Goi A, B lan lwot 1a hai diém cyc tiéu cta | 40. Goi A, B lan luot 1a hai diém cuc dai caa

d6 thi ham s6 y = 2" —22° +3 va C 1a d6 thi ham sd y = —2' + 82*> —2 va C

diém cuc dai. Tinh d0 dai AB va dién tich 1a diém cuc tiéu. Tinh d0 dai AB va dién
tam giac OAB vo6i O 1a gdc toa do. Tim toa tich tam giac OAB vdi O la goc toa do.
do trong tam G cua tam giac ABC. Tim toa d¢ trong tam G caa AABC.
Loi gidi. Tap xac dinh @ = R.
‘ r=0=y=3
Coy =42’ —42 =0« Y .
r=4l=y=2
T |—00 —1 0 1 +4oo
y' - 0 4+ 0 — 0+

NN

Hai diém cuc tiéu cua d6 thi ham so la
A(—1;2), B(1;2) va diém cuc daila C(0;3).
e AB= \/(:L'B —.IA)Q + (y, —yA)2 =2.
 Tinh dién tich AOAB véi O(0;0) :
O—AZ —1;2

04=(-52) —1\—1.2—1.2\ =2.
OB =(1;2)

AOAB ~— 9

41. Goi A, B Tan luot la diém cyc dai va

» Toaddtrong tam G ctatam giac ABC : s . ) N . .
diém cuwc tiéu cua do thi ham so6

z, = T ) =0 - y =z’ —32° + 4. Tim toa d0 trong tam
3 : G 0;

), = It Ys TY G vadién tich cia AOAB. Tinh AB.
G 3 3
Can nhé:

3

. AB:(:UB—:UA;yB —yA).

:>AB:\/(:L‘B —z,) +(y, —y,)’

T = xA +$B
I
o I latrung diém AB= 2
g =t
! 2
_ xA +$B +$C
+ G latrong tam AABC= ¢ 3
Yty
¢ 3
 Dién tich tam giac AABC :
AB = (a;0) 1
Tinh {—_ = Supe = =|ad —bd-
AC = (¢;d) S22
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42. Biét M(0;2) va N(2;—2) la céc diém cuc tri | 43. D6 thi ham s8 y = 22* + b2® + cz + 1 ¢6

ctia d6 thi ham s6 y = az® + b2’ + cx + d. M(1;—6) 1a mot diém cuee tri. Tim toa do
Tinh gia tri cia ham sd tai z = —2. diém cuc tri con lai ctia d6 thi ham s6 dé.

Loi gidi. Taco: y' = 3az® + 20z + c.
» Do diém M(0;2) 1a cuc tri

y'(0)=0
M(0;2) € y = ax’ + bz +cx +d

c=0
(:){d:Z )

» Do diém N(2;—2) la cuc tri
{1/(2) =0
=

N(=22)ey=az’ +b2’ +cx+d

(2)

12a +4b+c¢c =0
=
8a+4b+2c+d= -2

Tk (1), 2) =a=1b=—3;c=0;d =2.
Do dé: y = z° — 32° + 2 = y(—2) = —18.
Céan nhé:

Néu M(z_;y ) la cyc tri caa d6 thi ham s6

_ y'(z,)=0 .
ISU S {M(wo;yo) €y = f(x)

Néu la diém cuc dai, b6 sung y”(mo) < 0.

Néu la diém cuec tiéu, bo sung y”(mo) > 0.

44. Biét A[l;g], B(2;3) 1a cac diém cyc tri ctia d6 thi y = a2’ + bz® + cz + d. Tim y(3).
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BAI TAP VE NHA 4
Céu 20. (THPT Chuyén Vinh Phic nam 2018) Goi 4, B lahai diém cuc tri cia d6 thi ham s6
Yy = —%x?’ + - % Toa dd trung diém ctia AB 1a
A. [0;—2]. B. [—l,g]
3 3 3
C. (0;1). D. (1;0).

Céau 21. (THPT Hau Léc 2 - Thanh Héa 2018) Cho ham s6 y = z* — 32> + 2 ¢6 d6 thi la (C).
Goi A, B lacac diém cuc tri cta (C). D6 dai doan thang AB bang
A. 25, B. 5.
C. 4. D. 52.

Céau 22. (THPT Quing Xwong - Thanh Héa 2018) Db thi ham s6 y = 2° — 3z 4 2 cd hai diém
cuc tri A, B. Dién tich tam gidc OAB véi O(0;0) 1a gdc toa &6 bang

A. 2. B. l
2
C. 1 D. 3.

Cau23. (THPT Hoa Luw A — Ninh Binh nam 2018) Goi 4 va B 1a cac diém cuc tiéu cua do thi
ham s8 y = z* — 22” — 1. Dién tich ctia tam gidc OAB (O 1a gdc toa d9) bang
A. 2.
B. 4.
C. 1.
D. 3.
Cau 24. (THPT Thach Thanh - Thanh Héa 2018) D6 thi ham s y = z* + az”® + b c6 diém cuc
tiéu 1a M(—1;4). Gidtri ctia 2a + b bang
A. —1. B. 1.

C. 0. D. 2.

Cau 25. (THPT Kim Lién — Ha Néi 2018) Cho ham s8 y = 2 — 22° + ar +b c6 d6 thi (C).
Biét d6 thi (C) c6 diém cuc trila A(1;3). Gia tri cua 4a — b bang

A. 3. B. 2.

C. 4. D. 1.

Cau26. (S6 GD & GD Thanh Héa nam 2018) D6 thi ham s6 y = 2’ + az” + bz + ¢ di qua
diém A(1;0) va c6 diém cuc tri M(—2;0). Gid tri ctia biéu thitc a* + b” + ¢’ bang
A. 25.
B. —1.
C. 7.
D. 14.
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PDang todn 2. Tim tham 6’ m dé ham 36 dat eve tef tai diém x = x, cho trude.
Y Yo

* Bai toan. Tim tham sd d€ham sG y = f(x) dat cyc tri tai diém z = z_ ?
= Phuwong phap:
e Budc 1. Tim tap xac dinh 7. Tinh dao ham y'.
* Buwdc 2. Dua vaongi dung dinh 1i 1:
Néu ham s6 y = f(z) c6 dao ham trén khoang (a;b) va dat cuc dai (hodc cuc
tiéu) tai _thi f'(z ) = 0.
e Buwdc3. V6i m vira tim, thé vao ham sd va thi lai (dwa vao dinh 1i 2 va 3).
L Luuy:
— D&i v6i ham s6 bac ba nén thit lai bang ndi dung dinh 1y 3 (phit hop trac nghiém).
Giastt y = f(z) c6 daoham cép 2 trong khoang (a;b).
Néu y'(z.) =0, y"(z.) > 0 thi z_la diém cyc tiéu.
Néu y'(z) =0, y"(z,) <0 thi z_la diém cyc dai.
— D6 v6i cac ham khac chang han nhu bac bén trung phurong (thiéu b), hodc ham
phan thtic,... nén thit lai bang dinh 1i 2 (tinh 3’ va xét d&u, 1ap bang bién thién).

3

1
1 Chohémy:§x3—mx2+(m2—4)x+3. 2, Chohémy:%—me—l—(mQ—m—l—l)x.

Tim m dé& ham so dat cuc dai tai z = 3. Tim m dé& ham so dat cuc dai tai z = 1.
A. m=1. B. m =5. A. m=2. B. m = 3.
C. m € {1;5}. D. m > 3. C. m=-—1. D. m = 0.

7

Loi giai. Co {

y =2 —2mx+m’ —4
y" =2z —2m .
'3)=0
Vi z = 3 la cuc dai = y,f)
y"(3) <0
m=1

Sim=5&m=>.

m’ —6m+5=0
=
6—2m<0

m>3
Can nh6: Ham y = az® + b2’ + cx + d

y'(z,)=0

. =z lacuc dai = .
r = z_ lacygcdai {y,,(xo)<0

y'(z,)=0

y'(z,)>0

s =21 lécufctié’u:>{
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3. Choy zéx?’ —mz’ + (m’ —4)z + 3. Tim

m dé& ham sO dat cuc tiéu tai z = 3.

4. Cho ham s8 y = z' —2(m + 1)z* + m’.
Tim diéu kién cua tham s0 m dé ham s6
dat cuc tiéu tai diém z = 0.

A. m=—1. B. m =5. A. m<—1. B. m=—1.
C. m=1. D. m=-T. C. m<-—1. D. m € R\(~L1).
g At =0 |
=42° — 4m T = .
Y 2 =m+1
e m+1=0« m = —1. Khi do:
T —00 0 +00
Y - 0+
HS dat cuc tiéu tai = 0 nén nhan m = —1.
« m+1>0<«< m>—1vacdbang xét dau:
«om+1<0<< m< —1vacobang xét dau
5. Ham s6 y = —z' + 2mz” + 1 dat cuc tiéu| 6. Ham s6 y =z' —2ma® + m' +2m —5
tai diém z = 0 khi dat cuc tiéu tai diém z = —1 khi
A. m>0. B. —1<m<0. A. m=-1. B. m=—1.
C. m<—1. D. m > 0. C. m=1. D. m=1.
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7. Cho ham s8 y = z* —32° — 92 + 1. Viét
phuong trinh duong thang ndi hai diém
cuc tri cua do6 thi ham so da cho.

A y=8z+2. B. y=—-8z—-2.

C. y=8z—2. D. z—-3y—1=0.
Loi giai 1. Phuong trinh dwong thing noi hai
diém ciec tri ciia do thi ham s6'bdc ba la dwong
thﬁng y = azx + [ voi ax + B la phin dw bic
nhat trong phép chia y cho y'.

Chia da thtc:
32 —6x —9
1

=32 —9r+1
B 1

_x__

3

z* — 22 — 3z

—z’—6zx+1
—2*4+2x+3

Phuong trinh duong thang ndi hai diém
cuc tri la y = —8z — 2. Chon dap an B.

Cach 2. St dung casio bam MODE 2 va

/i
Yy CALC z =i
3y/// m = 100

y b4+ai=y=ar+p.

8. Biétdothihamsd y = 2° — 3z +1 codhai
diém cuc tri A, B. Khi d6 phuwong trinh
duong thang AB la
A y=—x+2.

C. y=-2z+1.

B. y=2-2.
D. y =2z —1.

[

Cho ham s6 y =2’ —32> +2. Duodng
théng di qua hai diém cuc tri cta do6 thi
ham s6 da cho c6 phuwong trinh la

10. Cho ham s8 y = —2’ + 32" —1. Viét
phuong trinh duong thang néi hai diém
cuc tri cuia do6 thi ham so da cho.

A y=x2—-4. B. y =2z +2. A y+7=0. B. y=2z+1.
C.y=—z+1. D. y =—-2z 4 2. C. y=2z—-1. D. y=7z—1.
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11. Tim m dé duong théng ndi diém cuc dai
voi diém cuc tiéu ctaa d6 thi ham sO
y =12’ —z + m diquadiém M(3;—1).

12. Tim m dé duong théng ndi diém cuee dai
voi diém cuc tiéu cuaa d6 thi ham s
y =12’ — 32> —ma +2 qua M(0;1).

13. Tim gia tri ctia tham s8 m d€ duong thang
d:y=2m—1)z+ 3+ m vudng goc voi
duong thang di qua hai diém cuc tri ctia 86
thihamsd y = 2° — 32” + 1.

Loi giai.
St dung casio, tim dugc duong thang néi

hai diém cuctrila d’: y = —2z + 1.
Vidld < a.a,=—1
3
s (2m—-1).(-2)=-1&m =
Céin nhé: Cho hai duong thang d, va d, c6
dang d :y =ax +0b vad, :y=a,x+ b, thi
a, =a

b =b

1 2

2

d | d, < vad Ld, < aa, =—1

14. Tim m d€ duong thang d:y =z +2
vudng goc véi duong thang di qua hai
diém cyc tri
y = 23" — 3(m + 1)z’ + 6ma.

cua do6 thi ham s&

15. Tim gia tri thuc ctia tham s& m sao cho
duong thang di qua hai diém cuc tri ctia 86
thi ham s6 y =2’ — 32> —mz +2 song
song véi duong thang d : y = —4z + 3.

16. Tim gia tri thwc ctia tham s6 m dé€ duong
théng di qua hai diém cuec tri caa d6 thi
ham s8 y = 2* — 32° — mz + 2 vudng gbc
v6i duong thang d : 4z +y — 3 = 0.

Bién soan & gidng day: Ths. Lé Odan Poan — 0933.755.607

Trang - 82 -



SO GD & DT TP. HO CHi MINH DI CUONG HOC TAP LOP 12

TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN Moén: Toan, Nim hoc: 2019 — 2020

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

BAI TAP VE NHA 5
(D& thi THPT Quéc Gia nim 2017 — Ma dé 102 cau 32) Tim gid tri thic ctia tham s&
m d€hamsb y = %xd —ma® + (m® — 4)r + 3 dat cyc dai tai z = 3.
A. m=1. B. m=-1.
C. m =5. D. m=-7.
(THPT Ngo6 Si Lién - Bac Giang nam 2018) Biét rang ham s6 y = 2° — 22° 4+ ma + 3
dat cuc tiéu tai x = 1. Gid tri cta m bgmg
A. 4. B. 3.
C. 2. D. 1.
(THPT Chuyén Lé Quy Pén Da Nang nidm 2018) Tim tham s& thwc m dé ham s&
y = 2" —3mz’ + 3(m” — 1)z dat cyc dai tai diém r = 1.
A. m=0 m=2. B. m=2.
C. m=0. D. m=0, m=2.
(THPT Kién An - Hai Phong nam 2018) Tim tat ca cac gid tri thue cia tham s6 m dé

ham s8 y = ma® + 2> + (m* — 6)z + 1 dat cyc ti€utai = = 1.

A. m=1. B. m = —4.

C. m=-2 D. m =2.

(THPT Viét Tri — Pht The 2018) Hams6 y = z° — 3(m + 1)z° + 3(m — 1)’z Ham s6
dat cuc tri tai diém cé hoanh d6 z = 1'khi

A. m=1. B. m=0,m=4.

C. m=4. D. m=0, m=1.

(THPT Chuyén Bién Hoa - Ha Nam 2018) Ham s8 y = 2’ + 2a2” + 4bz — 2019 dat
cuctritai x = —1. Khi d6hiéu a —b bgmg

A. -1 B. —-

c. 2. D. - 2.

4 4

(S6 GD & DT Ha Ngi 2018) Tim tat ca cac gia tri thuc cua tham s6 m dé ham sd
y=a' +ma’® dat cuctiéutai x = 0.

A. m <0.

B. m =0.

C. m>0.

D. m > 0.

(THPT Quang Xwong I — Thanh Héa 2017) Tim tét ca cac gid tri cta tham s6 m dé

, 1 oL
hams6 y = Z(m —1)2" dat cuc dai tai z = 0.

A. m<1. B. m > 1.
C. Khong co6 m. D. m=1.
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Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

(THPT Ngo Si Lién — Biac Giang niam 2018) Phuong trinh dudong thing di qua hai

diém cuc tri ctia d6 thi ham s8 y = 2 + 32" — 5z 4+ 1 1a

1 1
A. y:——6x+§- B. y:_6$+§.
3 3 3

3

1 8 1 8
Cy=——z+—- D.y=—z——-
Y 3 3 Y 3 3

(THPT Tran Pht — Tp. H6 Chi Minh ndm 2017) Tim gid tri thuwec cia tham s& m sao
cho duong thang di qua hai diém cuc tri ctia 6 thi ham s8 y = 2° — 32" — mz + 2
song song v&i duong thang d : 42 +y — 3 = 0.

A. m=1 B. m =2.

C. m=3. D. m =4.

(THPT Luong Van Chanh Pha Yén 2018) Biét duong thang d:y = (3m + 1)z + 3
vudng goc véi duong thang di qua hai diém cuc tri cta d6 thi ham s8
y = 2” — 32> — 1. Gia tri ctia m bang

A <. B. —~
6 3
c. L. p. —1.
3 6

(Tap Chi Toan Hoc & Tudi Tré nam 2018) Cho ham s8 y = —z° — 32” 4 4. Biét cé hai
gid tri m,, m, cua tham s6 m d€ duong thing di qua hai diém cuc tri ctia d6 thi ham
s tiép xtic véi duong tron (C) : (z=m)’ + (y — m — 1)° = 5. Tong m, + m, béng

A. 0.

B. 10.

C. 6.

D. —6.

3z —x+5

T —2
nam trén duong thang d cé phuong trinh d : y = az +b. Gia tri cia a + b bang

A. -1 B. 1.
C. 3. D. 5.

(Toan Hoc Bac Trung Nam) D6 thi ham s8 y = cd hai diém cuc tri A, B

mz® — 2z +m —1

w41
tham s& m dé& duong thang ndi hai diém cuc tri ctia d6 thi ham s8 nay vudng goc véi
duodng phan giac ctia géc phan tu thit nhat trong méat phang toa do.

(THPT Chuyén KHTN Ha N¢i nam 2017) Cho ham sd y = Tim

A om— L.
2
B. m=1
C. =-1
1
D. m=—-
2
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IAGAGA

@ Cin nho:
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1.

Cho ham s6 y = 2 — 3ma® + 3ma + m’.
Tim m d& ham s co6 2 diém cuc tri ?

Loi gidi. Tap xac dinh 7 = R.

Ham s6 da cho cé 2 diém cuc tri <

y' = 32> —6mz +3m =0 c6 hai nghiém
phan biét.

a=3=0 (LD)

A = (—6m)’ —36m >0 =

m <0
= .
m > 1

Cannhé. Himsdcod n cuctri < 4y’ =0 cd
n nghiém phan biét. PT az’ +bx+c=0
a=0

5 hai nghiém phan biét < .
c6 hai nghiém phan bié A0

2. Cho ham y = (1—m)2® — 32" + 3z — 5.
Tim m d& ham s co6 2 diém cuc tri ?

@

Cho y = -2’ + (2m —1)z° — (2—m)z — 1.
Tim m d& ham so co6 2 diém cuc tri ?

4. Cho y=22"—(m—2)2" +(6—3m)z + 1.
Tim m d& ham so co6 2 diém cuc tri ?

=

Cho ham s8 y = %x‘* + mz® + 4z — m>.
Tim m dé& ham s6 khong co cuec tri ?
Loi gidi. Tap xac dinh 7 = R.
Ham s6 khong co cuec tri
sy ="+2mr+4=0vd nghiém hoac
cd nghiém kép

a=1=0 (Lb)

A=(2m) —16<0

S4Am' —16<0e —2<m<2.

1 .
6. Cho y:—§x3+mx2+(3m+2)x+1.

Tim m dé& ham s6 khong co cuec tri ?
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7. Cho y=(m—1z*+(m—1)z*+z Tim|8 Cho ham s6 y = mz’ — 3ma® + 3z + 1.
m d€ ham s6 c6 2 diém cuc tri, dong thoi Tim m dé hén} s6 ¢ 2 di€m cuc tri va
diém cuc dai ndm bén trai diém cuc tidu. diém cuc dai nam bén trai diém cuc tiéu.
Loi gidi. Tap xac dinh 7 = R.

Ham sd c6 2 diém cuc tri, dong thoi diém
cue dai nam bén trai diém cuec tidu
Sy =3m-12"+2(m -1z +1=0 co
2 nghiém phan biét thoa man a > 0
a=m-—1>0
< 2
A=[2m—-1)] —-12(m—1)>0
m>1
< 2
4m” —20m +16 >0
m>1
& S 1<m<A4.
1<m<4
@ Can nho:
a>0 a <0
' A, >0 ’ A,>0
9. Cho ham y = (m + 2)z* + 32° + mz — 5. | 10. Cho y=(m+6)z’ —maz’ +z—1. Tim

Tim m dé ham sO cdé 2 diém cuc tri va
diém cuc tiéu nam bén trai diém cuc dai.

m d& ham sO co 2 diém cuc tri va diém
cuc dai nam bén trai diém cuec tiéu.
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1 ‘ .
11. Cho y = gmacd —(m +1)z° + mz — 7. Tim

m déham sO co 2 diém cuec tri va diém cuc
tiéu nam bén trai diém cuc dai.

12. Cho y:%(m—l)xS—(m—l)xQ—x+1.

Tim m &€& ham s0 co6 2 diém cuc tri va
diém cuc tiéu nam bén trai diém cuc dai.

13. Cho ham s6 y =z' + (m + 1)z> + 4. Tim
m dé& ham so c6 ba diém cuc tri ?
Loi gidi. Ta co: y' = 42° + 2(m + 1)z.

z=0
Xéty/:0:> 9 _m_l.
2
H/sd c6 3 cuctri <y =0 ¢ 3 nghiém

X

>0 m< —1.

phan biét =

@ Can nho:
a<0 a>0
.M: . W: .
b>0 b<0
ab >0 ab >0
e U: . e : .
a>0 a<0

14. Cho ham s6 y = mz' + (m —2)z* + 1.
Tim m dé& ham so co ba diém cuc tri ?

15. Cho ham s8 y = maz" +2(m —1)z* + 2.
Tim m d& ham sO c6 2 diém cuc tiéu va 1

diém cuc dai ?

16. Cho ham s6 y = mz" + (m*> — 9)z* + 1.
Tim m déham s co 2 diém cuc dai va 1
diém cuc tiéu ?
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Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

BAI TAP VE NHA 6

(THPT Chuyén Ha Long — Quang Ninh nam 2018) Tim tat ca cac gia tri thyc cua tham
s6 mdéham s8 y = 2* — 32° + (m + 1)z + 2 c6 hai di€ém cuc tri.

A. m<2. B. m < 2.

C. m>2. D. m < —4.

(THPT Héng Quang — Hai Dwong nam 2018) Tim tat ca tham s6 thyc cia m d&€ ham

SOy = %(m +2)2° + 27 + %mx — 2 ¢6 cuc dai, cuc tiéu.

A. me(—3;—2)U(—21). B. m e (—3;1).
C. m € (—o0;—3) U (1;400). D. m € (—21).
(THPT Chuyén Lé Hong Phong — Nam Dinh nim 2018) Tim tham s6 m dé ham s&

1 . A . .
y = gx‘* —maz’® + (m + 2)x + 2018 khong co cuc tri.

A, m<-1. B. m < —1 hoac m > 2.

C. m=>2. D. —-1<m<2.

(THPT Nguyén Thi Minh Khai — Tp. H6 Chi Minh nam 2017) C6 bao nhiéu gi4 tri
nguyén cua tham s6 thuc m dé ham s8 y = (m'+ 2)z” + 32> + mz —5 6 diém cyc
dai ndm bén trai diém cuc tiéu.

A. 2. B. 3.

C. V6 5sd. D. 0.

(THPT Chuyén Nguyén Thugng Hién — Tp. H6 Chi Minh nidm 2017) Cho ham s&

1 PSR ' n
y = gmx?’ —(m +1)2* + ma=7. Tim tit ca cc gia tri thuc ctia tham s& m sao cho

do6 thi ham s6 da cho cé diém cuc tiéu nam bén trai diém cuc dai.

A. m = 0. B. m<5vam=0.
1 1.
C. —§<m<0. D.m<—§hoacm>0.

(S6 GD & DT Vinh Phic nam 2018) Tim tat ca cac gia tri cta tham s& m dé€ ham sd
y=2' —3ma® +2 cdba diém cuc tri.

A. m > 0. B. m <0.

C. m <0. D. m =0.

(S6 GD & DT Kién Giang nam 2018) Tim diéu kién cua tham s@ thuc m d€ ham s6
y=x' —2(m+1)z* — 3 cbba cyc tri.

A. m>0. B. m > 1.

C. m>-—1. D. m > 0.

(THPT Ng6 Quyén - Hai Phong ndm 2017) C6 bao nhiéu s8 nguyén cua m d€ ham
s6 y = mx' +2(m* —5)z° + 4 c6 ding 2 diém cyc tiéu va 1 diém cyc dai ?

A. 2. B. 4.

C. 5. D. 3.

Bién soan & gidng day: Ths. Lé Odan Poan — 0933.755.607 Trang - 89 -



DI CUONG HOC TAP LOP 12
Mon: Toan, Nam hoc: 2019 — 2020

SO GD & PT TP. HO CHi MINH
TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN

17. Choham s6 y = ° —42” + (1 —m’)z +1. | 18. Cho y = —2* + 2> — (m” — 3m)z — 4.

Tim m &€& do thi ham s0 da cho co 2 diém
cuec tri nam hai bén so véi truc tung Oy.
Loi gidi. D€ d6 thi ham s6 c6 2 diém cuc
tri nam vé hai bén so véi truc tung Oy
&y =32 —8r+1—m’ =0 c6 nghiém
phan biét trai dau
Sac<0&3.(1-m*)<0

< m < —1 hoac m > 1.

Can nhé: Ham s6 y = ax’ + bz’ +cz +d
c6 hai difm cuc tri ndm hai bén truc tung
Oy < a.c < 0.

Tim m &€& dé &6 thi ham so da cho co 2

diém cuc tri nam hai bén so Oy.

19. Cho y = 2° — (3m + 1)z° + (m* — m — 6)z.

Tim m dé& &€ d6 thi ham so da cho cd 2

di€m cuc tri ndm vé hai phia truc tung Oy.

20. Cho y =ma’ 4+ (2m’ —1)2* +(m—1)z.

Tim m dé& dé &6 thi ham so da cho co 2

diém cuc tri nam vé 2 bén truc tung.

2
21. Cho y:§x3 +(m + Dz* + (m”® + 4m + 3)z.

Tim m d€& d6 thi ham soO c6 hai diém cuec tri
nam bén phai truc tung.

22. Cho ham s6 y = %x‘* —mz’ + (m + 2)z.

Tim m dé& d6 thi ham so co6 hai diém cuc
tri nam bén trai truc tung.

Bién soan & gidng day: Ths. Lé Odan Poan — 0933.755.607

Trang - 90 -



SO GD & DT TP. HO CHi MINH

DI CUONG HOC TAP LOP 12

TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN Moén: Toan, Nim hoc: 2019 — 2020

23. Choham s8 y = 2* — 32" +m” — 2m. Tim
m d€ ham sd co gia tri cuc dai béng 3.
Loi gidi. Tap xac dinh & = R.
Tacéd: y' = 32> — 62 =0
r=0=y=m"—2m

& \ :
r=2=>y=m —2m—4

T |—00 0 2 ~+o00
y' + 0 - 0 +
m® —2m +00
Y
—oo/ >—A2m—/4'

=y, =m’—2m

& 3=m’—2m < m=—1hodc m = 3.

24. Cho ham y = z° + 32" +m’ —4m. Tim

m d€é ham sd c6 gia tri dai bang 9.

25. Tim m, biét gia tri cyc tiéu ctia ham sd

y=2"—3z+1—m thoa 2y, +9=0.

26. Tim m, biét gia tri cyc tiéu cta ham s6

y =2’ — 32> + m* + 2m bang —4.

27.Tim m &€ ham s8 y = 2° — 32” +2m co
gia tri cyc tiéu va gia tri cyc dai trai dau ?
Loi gidi. Tacd: y' =32° —62 =0
r=0=y, =2m
T=2=y, =2m—4
Vi gia tri cuc tiéu va gia tri cuc dai trai dau

néen y_ ... <0 2m.(2m—4)<0

S4m’ —8m <0< 0<m<2.
Can nho:
Gia tri cuc dai, gia tri cuc tiéu cia ham sd

tréi ddu < y_ .y, <O0.

28. Tim m déhamsd y = z° — 3z +1—m ¢o

gia tri cyc tiéu va gia tri cyc dai trai dau ?
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29. Tim m dé€ do thihams6 y = z° — 32> + m | 30. Cho ham y = 22° — (1 + 2m)z* + 3ma — m.
c6 2 cye tri nam hai bén truc hoanh Oz. Tim tham s6 m dé& d6 thi ham so da cho

, ‘e , c6 hai diém cuc tri ndm hai bén truc Oz.
Céch gidil. Tacéd: y' = 32° — 62 =0 T '

Loi gidi. D& ham s6 c6 hai diém cuc tri

t=0=y,=m nam hai bén Oz < d6 thi ham s&

rT=2= =m—4 ‘ g
Yor y =22° — (14 2m)z* + 3mz — m cat truc

D& d6 thi ham s& ¢6 hai cuc tri ndm hai bén Oz (y =0) tai 3 diém phan biét

true 02 & Yoo oy <0 & PT 22° — (14 2m)a® 4 3mz —m = 0
< m(m—4) <0 c6 ba nghiém phéan biét.
“0<m< A (Sur dung casio, giai phuwong trinh bdc 3,

cho m =100, duwoc nghiém dep © = 0,5).
& PT 2z—1)(z—mz+m)=0 cb6 ba
nghiém phan biét

Cach giai 2.
D& ham sd ¢6 hai cuc tri ndm hai bén truc
Or < d6 thi ham s6 y = z* — 32> + m 1
cat Oz tai 3 diém phan biét < phuong &Sz = 5 vaglx)=2"-—mz+m=0:co
trinh hoanh d¢ giao diém véi truc Oz :
5 o g ‘ . o I |
237 +m=0& om=—2"+3" =@ hai nghiém phan biét khac 3
c6 3 nghiém phan biét < duong thang
nam ngang y = m cat g(z) = 3z*> — z° tai
3 diém < g, <m <g_. ﬁg[%

A=m>—4m >0

1 1
=—m+—=0
2

Tacé: ¢'(x) = —32° + 62 =0
m<0Vm>4
z=0= =0 &

Jor = 0<m<A4. m::—%

x:2:>g®:4

Nhaén xét. Dé tim tham s6 m d€ d6 thi ham s bacba y = az® + ba® + cz + d c6 hai diém
cue tri nam hai bén so vdi truc hoanh Oz (gia tri cuc dai va gia tri cuc ti€u trai dau), co cac
phueong phép:

Phuwong phap 1. Néu y’ = 0 tim duoc 2 nghiém ' thi YCBT < Y.
=2z

2

Yor <0 =m.

Phuong phap 2. Db thi cat truc Oz tai 3 diém phanbiét & y = 0 ¢6 3 nghiém phan biét

(st dung duoc khi 3’ = 0 khong nghiém dep va y = 0 cé nghiém dep).
Phuong phap 3. St dung khi y' = 0 hojc y = 0 khong tim dwgc nghiém dep.

« Tim diéu kién d€ ham s6 ¢ 2 cyc tri (y' =0 ¢6 2 nghiém phan biét).
« Goi z,, 7, 1a 2 nghiém ctia phuwong trinh 3’ = 0
o« A \ \ < Ao . o A2 . y(xl) = a{x] + ﬁ \
Viét phueong trinh duong thang noi hai diém cyc tri y = az + 8 = la
y(z,) = oz, + B
gia tri cyc dai va gia tri cuc tiéu.
« Yéu caubaitoan < y_ .y, <0 < y(z,)y(r,) <0 & (ar, + §).(az, + B) <0, sau do st

dung dinh li Viét v6i z, z, 1a 2 nghiém cta y' =0=m.
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31. Cho ham 80 y = —z® + 62 + m —1. Tim | 32. Cho ham s6 y = z* — 3mz® + m. Tim m
m d€ &6 thi ham s& ¢ hai diém cuc tri ndm d€ d6 thi ham s& c6 hai diém cuc tri ndm
hai bén truc hoanh Oz. hai bén truc hoanh Oz.

33. Choham y = z* — (m + 2)z° + 3mz — 2m. | 34. Cho ham s0 y = 2° + 32° + mz + m — 2.
Tim tham s6 m dé& d6 thi ham s6 da cho co Tim m &€& do6 thi ham so c6 hai diém cuc
hai diém cuec tri ndm hai bén truc Oz. tri nam hai bén truc hoanh Oz.

Bien soan & gidang day: Ths. Lé Odan Poan — 0933.755.607 Trang - 93 -



SO GD & PT TP. HO CHi MINH DI CUONG HOC TAP LOP 12

TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN Moén: Toan, Nim hoc: 2019 — 2020

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

BAI TAP VE NHA 7

(THPT Kinh Mén - Hai Dwong nam 2018) C6 bao nhiéu gia tri nguyén cua tham sd
m d& ham s8 y = (m — 3)z® +2(m* —m —1)z° + (m + 4)r — 1 c6 hai diém cuyc tri
nam vé hai phia cuaa truc Oy.

A. 4. B. 5.

C. 6. D. 7.

(Tap chi Toan Hoc & Tudi Tré s6 484) C6 bao nhiéu gid tri nguyén ctia m d€ ham sd
f(z) = 22" — 62> —m + 1 cb céac gia tri cyec tri trdi dau ?

A. 2. B. 9.

C. 3. D. 7.

(THPT T4n Binh - Tp. Ho Chi Minh 2019) Cho ham s& y — #* + 2:& 18z +2m—1

c6 hai diém cuc tri (z;y,), (z,;y,) théa z, > z,. Tim m d€ y, + 4y, = 10.

A m=—11. B. m—_23.
2

21
C. m:—?' D. m:—12

(Tap chi Toan Hoc & Tudi Tré sd 484) Tim diéu kién ctia tham s6 m dé ham s&
y = %xd + (m 4+ D)2* + (m® + 4m + 3)z'~ 3 ¢ cac diém cuc tri cua do thi ham sd

nam bén phai ctia truc tung.

A. -5<m<—-1. B. -5<m<-3.

C. -3<m~<-—1. D. m:< —5 hoac m > —1.

(THPT Chuyén Quéc Hoc Hué nim 2019) C6 mAy gia tri nguyén cua m € (—20;18)

d€ d6 thi ham s6 f(z) = z° — g(m —1)z* — 3mx — 37m nam vé cting phia Oz.

A. 1. B. 19.
C. 20. D. 18.
(THPT Nguyén Khuyén — Tp. HCM 2018) Tim tham s& thwee m dé do thi ham s&

y =12’ — 22 + (1 —m)z + m c6 hai diém cyc tri ndm veé hai phia d&i véi truc hoanh.

A. —i<m¢0. B. m > 0.

1 1
C. ——<m<0. D. m<——-
4 4

(THPT Chuyén Hoang Vian Thu — Hoa Binh nam 2018) Tim tham s6 m d€ ham s6

y =2’ —3(m+ 1)z’ + 12mz — 3m cd hai diém cyc tri z, z, théaman z, < 3 < z,.

A. m=1. B. m > 1.

C.m<§- D.m>§-
2 2
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, 1
35. Cho ham so y:§gc3—mgc2—x+m+1.

Tim tham s6 m dé& ham sO cé 2 diém cuc

tri z, va z, thdaman z’ + 2} = 2.

Loi giai. Tacé ¢/ = 2° — 2ma — 1.

Ham s6 c6 2 diém cyce tri x;, va z, thoa
2 2 ! __ 4 PN

z, +z, =2y =0 co 2 nghiém z,, =,

thoa xf + x22 =2

a=0

SAA>0

2 2
:c1+:c2_2

4m* +4>0: (LD)
< 2
(z, + 1)) =222, =2

&8 —2P =2
b
S=z +x,=——=2m
voi a
c
P:xleZg:—l

s4m* +2=2<m=0.
& Cannhé: 7’ +1) = S° —2P,

7, —z,|=1>06 82 —4P="0,..

\ ~ 1 N
36. Cho ham s6 y= gsc?’ —mz® —z. Tim
tham s6 m déham sdco 2 diém cuee tri =,

\ 2 ~ 2 2
va r, thbaman z, +x, —rz, = 7.

, 1
37. Cho ham so y:§gc3—mgc2—x+m+1.

Tim tham s6 m dé& ham sO cé 2 diém cuc
tri z, va z, thoa 7 + ) + 4z .z, = 2.

38. Cho ham sd y:%x3+x2+mx—m.

Tim tham s6 m dé€ham s6c6 2 cuyce tri =,

va r, théaman z, — 3z, = 0.
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39. Choham s8 y = 2° — 32" +m. Tim m d¢&

d6 thi ham s6 c6 2 diém cuc tri A, B sao

cho AOAB vudng tai O véi O(0;0).

Loi giai.

Tacéd: y' =32 —62 =0

r=0=y=m= AO;m)

= .
r=2=y=m—4= B(2;m—4)

OA = (0;m)
Suy ra {—. (PK: m = 0).
OB = (2;m —4)

Vi AOAB vuong tai O nén 0—1'4 L O—lé
= OAOB =04 02+mm—4)=0

m=0 (L)

im= A(0;0) = 0.
i ) (N)Vlm 0= A4(0;0)= 0O

Vay m = 4 la gia tri can tim.

% Sai lam thuong gap ciia hoc sinh la quén diéu

kiéen m = 0 nhuw trén.

40. Cho ham s8 y = —2° + 3mz + 1. Tim m

dé d6 thi ham s6 c6 2 diém cuc tri A, B
sao cho AOAB vudng tai O véi 0(0;0).

41. Cho ham s6 y = z° + 3maz® — 8m. Tim m

dé do6 thi ham s6 c6 2 diém cuc tri A, B
sao cho AOAB vudng tai O véi 0(0;0).

42. Cho ham s8 y = 2° — 3mz2® + 4m’. Tim

m dé& do thi ham s0 cdé 2 diém cuc tri
A, B thbaman AB = \/%
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43. Cho ham s6 y = ' —2m*2” +2. Tim m | 44. Cho ham s8 y = z' —2maz” + 1. Tim m
dé d6 thi ham s6 ¢ 3 diém cuc tri A(0;2), dé do6 thi ham s6 c6 3 diém cuc tri A(0;1),
B, C thoaman BC = 2. B, C thoaman BC = 4.
Loi gidi. Tacéd: y' = 42° — 4m’z.
z=0

r =m

Y =0 42.(x" —m’) =0 &

D6 thi ham s6 c6 3 diém cuc tri

& m’ >0 m=0. Khidé:
r=0=y=2= A0;2)
r=m=y=2-m'= B(m;2—-m")
r=-m=y=2-—m'= C(-m;2—m")

Theo dé BC =2

o @, — o, + (. —y, ) =2

S \J(=2m)* +0° =2

S am® =4 & m = +1.

So diéu kién, suy ra m = £1 thoa bai toan.

45. Chohamsg y = 2° — 3ma® + 4m®. Tim m | 46. Cho ham s y = z* — 2ma® + 2m’ — 4m.
dé d6 thi ham sO cé hai diém cuc trila A Tim m dé& d6 thi ham sO co ba diém cuec tri
va B sao cho dién tich AOAB bang 4. tao thanh tam giac c6 dién tich bang 1.
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1
47. Choham y = Z:c4 — (B3m + )z® +2m + 2.

Tim m dé do6 thi ham s6 c6 ba diém cuc tri
tao thanh mot tam gidc co6 trong tam la O.

48. Cho ham s8 y = 2" —4ma® + 3m — 2.

Tim m dé d6 thi ham s6 cé 3 diém cuc tri

tao thanh tam gidc c6 trong tam G [O; - g]

49. Chohams6 y = z* + 2ma* + 1. Tim m dé
do6 thi ham s0 c6 ba diém cuc tri tao thanh
mot tam gidc vudng can.

Can nhé: D6 thi ham s6 y = az’ + b2 + ¢
cé ba cuc tri A€y, B, C thi lubn tao
thanh tam gidc can tai A. Khi d6 ta luon cé

b’ + 8a

b’ —8a

= cos A|.

Ap_ dung:
Ham s6 cOba cyc tri < ab < 0
S 12m <0< m<0.

D6 thi ham s6 c6 ba diém cuc tri tao thanh
tam giac vudng can = A = 90°.

(2m)’ + 8.1
:> _-_—

- =c0s90° =0
(2m)’ —8.1

S 8mP+8=0

& m’ =—1<m=—1 (théa m <0).

50. Chohams8 y = z' + (6m — 4)2*> +1—m.

Tim m dé& d6 thi ham sO cd ba diém cuec tri
tao thanh tam gidc vuong can.
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51. Cho ham s6 y = z* — 2ma” 4+ 2m. Tim m

dé do6 thi ham sO c6 ba diém cuc tri tao
thanh tam giac déu.

52. Choham s6 y = z* — 2ma2® +m”. Tim m

dé d6 thi ham so c6 ba diém cuec tri tao
thanh tam gidc c6 mot géc bang 30°.

53.Cho ham s6 y=2z'—2ma* —9 +2m’.

Tim m dé do6 thi ham s6 co ba diém cuc tri
nam trén cac truc toa do.

Loi gidi.
., 5 z=0
Tacod: y =42° —4dmz =0 & |
r=m>0

r=0=y=-9+2m’
x:\/aiy:mQ—Q

A(0;2m* —9) € Oy
= 1 B(—m;m? —9)
O(m;m? —9)

Vi diém A € Oy nén dé€ ba diém cuc tri
nam trén cac truc toa d6 thi B, C € Oz

=Yy =Y, =0

esm?—9=0< m=43.

Nhain xét: Dé ba diém cuc tri cia ham so
bac bén trung phuong nam trén cac truc
toadothi y =0 (hoac y., = 0).

54. Choham s8 y = —2"* + 2ma” — 4. Tim m

dé d6 thi ham sO cé ba diém cuc tri nam
trén cac truc toa do.
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1 | 56.Biét rang dudng thang d:y =1z —m cat
55.Choy = —2° —ma® +(m” —1)z. Goi S 1a |~ } & ,g 3g z i

3 d6 thi ham sd y = z° — 3z° tai ba diém
tap hop cac gia tri cua tham s6 m dé do thi phan biét sao cho c6 mot giao diém cach
ham s0 c6 hai diém cuc tri la A va B sao déu hai giao diém con lai. Tim -
cho A, B nam khéac phia va céch déu
duong thang d : y = 5z — 9. Tich cac phan
tkt ctia S bang

57. Choham s8 y = z° — 32> — m — 1 ¢6 @6 thi | 58. Héi c6 tat ca bao nhiéu gid trj cua m dé€ d6
(C). Biét do thi (C) cat truc hoanh tai ba thi ham s8 y = 2* + ma® — v — m cat truc
diém phan biét 1ap c6 hoanh d¢ lap thanh|  hoanh tai ba diém phan biét, dong thoi
cap s6 cong. phan dién tich phia trén Oz va dién tich

phia dudi Oz, gidi han boi d6 thi va truc

Oz bang nhau.
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Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

BAI TAP VE NHA 8

(THPT Chuyén Hung Vuong — Pha Tho 2018) Biét m_ la gid tri ctia tham s6 m dé
ham s8 y = z° — 3z° + mz — 1 cdhai diém cuctri z,, z, sao cho z} + ) — zz, = 13.
Ménh dé nao dudi day dung ?

A. m_ e (=L7).

B. m_ € (7;10).

C. m, € (=15-7).

D. m_e(-7;—-1).

(THPT Chuyén Vinh Phuc nan 2018) Véi gia tri nao ctia tham s6 m thi d6 thi ham s&

y = 22" + 3(m —1)z* + 6(m — 2)r — 1 cd cwe dai, cuc tiéu thda man ‘:cCD + %T‘ = 2.

A. m=1.
B. m =2.
C. m=-1.
D. m = —-2.

(THPT Thing Long — Ha N6i 2018) Biét ham s6 ¢y = %xd —(m+ 12> —(2m —1)z b

hai diém cyc tri z, z,. Gia tri nho nhét ctia biéu thice T = 2 + 22 —10(z, + z,) bang

A. T78.

B. 1.

C. —18.

D. —22.

(THPT Thanh Mién - Hai Dwong nim hoc 2018) Biét rang d6 thi ham s&
f(x) = %xd - %me + x —2 b gid tri tuyét d6i ctia hoanh do6 hai diém cuc tri la do

dai hai canh cta tam giac vudng c6 canh huyén la J7. Hoi 6 may gia tri cuia m ?

A. 3.

B. 1.

C. 0.

D. 2.

(THPT Chuyén Ha Long — Quang Ninh nam 2019) Tim tat ca gia tri thuc cua tham sd
m &€ &6 thi ham s6 y = 2* — 3ma® + 2 cé hai diém cuc tri A va B sao cho cac diém
A, Bva M(1;—2) thang hang.

A. m:\/g.
B. m:—\/a.
C. m=2.
D.

m:i\/i
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Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

(THPT Chuyén Hung Vwong — Gia Lai nim 2018) Goi A4, B la hai diém cuc trj cta
do6 thi ham s6 f(x) = 2° — 32” + m véi m la tham s6 thuec khéac 0. Tim tham s& m dé
trong tdm tam giac OAB thudc duong thang 3z + 3y — 8 = 0.

A. m =5.
B. m =2.
C. m=6.
D. m =4.

(THPT Chuyén Tran Pht — Hai Phong nam 2018) Goi m , m, la cac gia tri cia tham
s& m dé& d6 thi ham s6 y = 22° — 32" +m —1 ¢6 hai diém cyce tri 1a B, C sao cho
tam gidc OBC' c6 dién tich bdng 2, véi O la gdc toa do. Tich s6 m m, bang

A. —15.

B. 12.

C. 6.

D. —20.

(THP Chuyén Lé Hong Phong — Nam Dinh 2018) Tim tham s& m dé do thi ham s&
y=1z' —2mz® +1 cdba diém cyc tri A(0;1), B, C'"théaman BC =4 ?

A. m:\/g.

B. m = 4.
C. m==+4.
D. m:j:\/a.

(HKI - THPT Nguyén Thuong Hién - Tp. H6 Chi Minh nam 2019) C6 bao nhiéu s&
thuc m dé do thi ham s6 y.=2° — 32> + m c6 hai diém cpctri A va B sao cho tam
gidc OAB vuong tai O.

A. 2.

B. 1.

C. 3.

D. 0.

(HKI — THPT Tran Pht — Tp. H6 Chi Minh nidm 2019) Goi S la tap cdc s6 thuec m
d€ d6 thi ham s6 y =2° —6m°z +2m b hai diém cuc tri A va B sao cho
AB = 2y/34. Tinh tich céc phan tk cta S.

A. —1.

B. —4.

C. 1.

D. 2.

(Dé minh hoa - B4 GD & PT nam 2017) Cho y = %x?’ —mz® + (m* —1)z. Goi S 1a

tap hop cac gia tri caa tham s6 m dé d6 thi ham s6 c6 hai diém cuctrila A va B sao
cho A, B ndm khéc phia va cdch déu duong thang d : y = 5z — 9. Tich c4c phan tt

ctia § bang
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Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

A. 27.

B. —27.

C. 9.

D. —9.

(Tap Chi Toan Hoc & Tudi Tré s6 485) Tim k d€ d6 thi ciaham sd y = z* — 2kz” + k

c6 ba diém cuc tri tao thanh mot tam giac nhan diém G

A. ke{l;l». B. ke{—l;l}.
3 2

C. ke{l;l». D. ke{—l;l}.
2 3

(TT Diéu Hién — Can Tho nam 2018) Choham sd y = ' — 2(m + 1)z° + m c6 d0 thi
(C). Tim tham s& m sao cho (C) cé ba diém cuc tri A, B, C' théa man OA = BC,
trong d6 O la gbc toa d9, A 1a diém cuc tri thudc truc tung.

A. m =0 hoac m = 2.

O;%] lam trong tam ?

B. m =2+ 22
C. m =333
D. m =5+ 5v5.

(THPT Chuyén Béc Ninh nim 2018) Tim tAt ca cc gia tri thuc cua tham s6 m sao cho
do thi ctaham sd y = 2' — 2(m +1)z* + m’® cd ba diém cyec tri tao thanh mot tam giac
vuong can.

A. m=0.
B. m=—1 m=0.
C. m=1.

D. m=0, m=1.

(THPT Chuyén Vinh Phtic ndm 2018) Cho ham s8 y = z* — 2mz® +m" + 2m. Tim
tham s6 m dé€ cac diém cuc tri ctia d6 thi ham s6 1ap thanh mot tam giac déu.

A. m:2\/§.
B. mz%/g.
C. m:%/Z.

D. m=1.
(THPT Héu Loc 2-Thanh Héa-1an 1-ndm 2017-2018) Tim gia tri cia m d€ do thi ham

s6 y = z' —2ma® + 2 c6 ba diém cyec tri tao thanh mot tam gidc cd dién tich bgmg 1.
A. m= %/g

B. m = \/g

C. m= 3\/5.

D. m=1
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Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

(THPT Chuyén Vinh Phic ndm 2018) Tim tham s& thuc m d€ do6 thi caa ham s6
y =2" —2ma® cdba diém cuc tri tao thanh mdt tam gidc co dién tich nho hon 1.

A. m<1.

B. 0<m < 1.

C. 0<m<?i1

D. m > 0.

(THPT Lwong Van Chanh - Pha Yén nam 2018) Goi S la tap hop tat ca cac gia tri
thuee cua tham s& m dé d6 thi (C) ctia ham s6 y = ' —2m*z” +m"* + 5 cd ba diém
cuee tri, dong thoi ba diém cuc tri d6 cung vdi goc toa do O tao thanh mot t¢ giac ndi
tiép. Tim sO phan tir cua S.

A. 1
B. 0.
C. 2.
D. 3.

(THPT C6 Loa — Ha N6i nam 2018) Goi S la tap hop tat ca cac gia tri thuc cua tham
s6 m d€ d6 thi ham s6 y = 2z + 2ma* — 37m co ba diém cuec tri, dong thoi ba diém

cuee tri nay cung véi goc toa do O tao thanh bon dinh cua mot t& giac noi ti€p duoc.
Tong tat ca cac phan tix ctia S bang

A. 2243,

B. —2—2V3.

C. —1.

D. 0.

(THPT Hong Bang — Hai Phong 2018) Chohamsd y = z' +2(m —4)z° + m + 5 ¢6
do thi (C ). Tim m dé€ (C ) cé ba diém cuec tri tao thanh mot tam giac nhan gdc toa

do O lam trong tam.

A. mzlhoécm:%~

B. m=1.

C. m=4.

D. mzﬂ‘
2

(S6 GD & DT Vinh Phuc nam 2018) Tim tat ca cac gia tri cia tham s6 m dé do6 thi
hamsd y = ' —2m’2z* +2m céba diém cuctri A, B, C saocho O, A, B, C labdn
dinh ctia mét hinh thoi (véi O la gdc toa d9).

A. m=—-1.
B. m=1.
C. m=2.
D. m = 3.
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Dang todan 4: Cue tri eiaa ham hop va ham s6 tei tuyét déi (vdn dung eao)
IAGAGA

1. Choham s6 y = f(z) c6 bang bién thién nhu sau:
T ‘ —00 0 2 400

f’(x)‘ + 0 — 0 +

Hoi trén khoang (_\/3 , J5 ) thi ham s8 g(z) = f(z*) dat cuc dai tai diém nao sau day ?

A.:c:\/g. z=0

B 9'(z) =22.f'(z*), ¢'(x) =0, , =0 |z=0 |
B. z = 2. fay=oe, e 5
C. z=0.
D. z=2. z 5 2 0 V2 V5

Thi diém: g'(2) 0+

— 0 + 0 —
x:QE(\/g;\/g) thi g(x) \/\

9'(2) =4.f'(4) > 0. Suy ra ham s8 ¢(z) dat cyc dai tai z = 0. Chon dap an C.

2. Chohamy = f(z) cé bang bién thién. Ham s g(z) = f(2* — 2) dat cuc dai tai diém nao ?
€T —00 —1 2 4o

f'(z) - 0 — 0 +

O 0w »
K
Il
o

<

Cho ham s8 y = f(x) cé bang bién thién. Ham s6 g(z) = f(2* —5) c6 may diém cuec tri ?
€T -0 —4 —1 2 +00
f'(z) - 0 +0 — 0 +
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4. (Pé thi THPT QG niam 2019 — Cau 46 M dé 101) Cho ham s6 f(z), bang bién thién ctia
ham s8 f/(z) nhuw sau:

— o —

a | 1 0 1 —+oa
+ o —+oa
2
i) \ / \ /
—3 —1

S6 diém cuc tri cia ham s8 y = f(z° —27) 1a

A. 9. B. 3. C. 7 D. 5.

5. (DPé thi THPT QG niam 2019 — C4u 48 Mi dé 103) Cho ham s6 f(z), bang bién thién ctia
ham s8 f'(z) nhuw sau:
x | -oo —1 0 1 +oo
— - =
—3 —1
S6 diém cuc trj cia ham s8 y = f(z° + 27) 1a
A. 9. B. 3. C. 7. D. 5.
6. (Dé thi THPT QG niam 2019 — C4u 50 M dé 104) Cho ham s6 f(z), bang bién thién ctia

ham s8 f'(z) nhuw sau:

=e] —1 0 1 —+oo
\ 2 /
—3 —1

SO diém cuc tri cia ham s6 y = f(4x” + 47) 1a

A. 9. B. 3. C. D. 5.

- |
(@)

Bien soan & giang day: Ths. Lé Odan Poan — 0933.755.607 Trang - 106 -



SO GD & DT TP. HO CHi MINH DI CUONG HOC TAP LOP 12
TRUNG TAM TAN VUONG - 594/9 HUONG LO 2 - BINH TAN Moén: Toan, Nim hoc: 2019 — 2020

7. Choham s6 y = f(z) c6 dao ham lién tuc trén R va bang bién thién
X ‘ —0 -2 2 +00
/'(x) - 0 + 0 -

Ham s8 g(z) = 15f(—z" + 42° — 6) + 102° — 152" — 602 dat cuc tiéu tai . < 0. Chon
ménh dé dung ?

3

A. 1 € —2;—5]- C z €

—E;—2]~ B. z €
2 o

—2;—1]- D. z € (—10).

Tacéd: g'(z) = 15.(—42” + 82).f (=" + 42° — 6) + 602° — 602" — 120z
= 60(—1’ + 27) [f’(—a:4 +42° —6) — 2 — 1}.
Ditt = —2' +42° —6=—(2" —2)’ —2< -2 vacd f'(t) <0, Vt <—2 (nhin bang).
= fl(—2' +42> —6) < 0= f/(—2' +42° —6)—2° -1 <0, Vz € R.
z —00 V2 0 V2 +00

60(—z” + 2z) + 0 - 0 + 0 -

J'(z) -0 + 0 - 0 +

400
9(z) \ 9(0) /
g(—@/ \g<&>
3

—5;—1]- Chon dap an C.

Suy ra ham s0 dat cyec tiéu tai diém = = i\/g =z =-—2¢€

8. Choham s6 y = f(x) c6 dao ham lién tuc trén R va bang bién thién nhw sau:
X ‘ - 0 2 +o0
£(x) ‘ + 0 - 0 +

Ham s6 g(z) = 15f(z" —22* + 3) +102° — 302> c6 bao nhiéu diém cyec tri ?
A. 2. B. 3. C. 7 D. 5.
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9. Choham s6 y = f(x) c6 dao ham lién tuc trén R va bang bién thién nhuw sau:

X | —oo -1 2 +0
/(x) | + 0 - 0 o+

Ham s8 g(z) = 15f(—z" + 22" — 2) —10z° + 302" c6 bao nhiéu diém cuc tri ?
A. 2. B. 3. C. 7 D. 5.

10. Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va bang bién thién nhuw sau:
x | —o -1 1 3 +00
I'(x) \ - 0 + 0 - 0 4+

Ham sd y = 2f(—z" + 42> — 5) + 2° — 122 c6 bao nhiéu diém cuc tri ?

A. 2. B. 3. C. D. 5.

11. Choham s6 g(z) = f(z° — 32> + 1) c6 bang bién thién nhu sau:

x‘—oo 0 2 3 +0o0

+00
\ / 18 \ /
2 2
Ham s6 y = f(z) c6 may diém cuyec tri ?

A. 0. B. 1. C. 2 D. 3.

g(x) | 4>
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12. Cho ham s8 y = f(z) xac dinh trén R va ham s8 y = f'(z) c6 d6 thi nhu hinh vé. Tim s&

diém cyec tri cia ham s8 y = f(z* — 3).

A. 2 A

B. 3. 2

C. 4. 2 1 X
5 =

or 7]

13. Cho ham s8 y = f(x) x4c dinh trén R va ham s8 y = f'(x) c6 do thi nhuie hinh vé. Ham
s6 y = f(1—2°) dat cyc dai tai

A z=-—1. 0

B. x:i\/g.
C. z=3. >
_1\/3

D. z=0.

14. Choham f(z) c6 d6 thi f'(z) c6 &6 thi nhu hinh. Ham s8 y = f(1 — 2z) c6 may cuc tri ?

A. 4. vt

B. 7

C. 3

D. 9 —1’ 1~"2 4

15. Cho ham s8 f(z) c6 d6 thi f'(z) c6 d6 thi nhu hinh. Ham s8 y = f(2°) ¢6 may cuc tri ?

A. 5. yi y = f'(z)
B. 7

—1/\1 1
C 3 0 T
D. 9

16. Cho ham f(z) c6 d6 thi f'(z) c6 &6 thi nhu hinh. Ham s8 y = f(z* — 2) cé mdy cuc tri ?

>
ot

yi
2

n =
L =

S
©
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Ciul. Choham sS y = f(z) c6 dao ham, lién tuc trén R va c6 d6 thi y = f/() nhw hinh vé.

Cau 2.

Xét ham s6 g(z) = 3f(z* —2) + g;ﬁ —32°. Ham s8 g(z) dat cuc dai tai diém

y
A. z=0. y’=f'(.\')/_
B. z=1 1 0 1 ]2
|
C. z=-1 :
D. z = \/g T
Loi giai tham khao

Ta cé: ¢'(z) = 62.f'(z° —2) 4+ 62° — 62 = 6$[f/(:62 —2)+ (2" —2)+ 1}

x=0
g’(a:):O:>f,(2 2) (2% — 9) 1<:> P -2=—-1=2=+1 (xem hinh vé)
r°—2)=—(2" —2)—
2 —2=1(K)=z=+V3

y
y=r®f
11 2
|
|
|
Bang bién thién:
x —0 3 0 1 J3 +oo
X — — - 0 + + +
Fr(x*=2)+x+1 + 0 + 0 - - 0 + 0 o+

g'(x)

0 \/ \/

Ttr bang bién thién, suy ra ham s6 g(x) dat cyc dai tai z = 0. Chon dap an A.

Cho ham s8 y = f(z) c6 dao ham va lién tyuc trén R va c6 d6 thi y = f’(:v) nhu hinh.

Xét ham s6 g(x) = 3f(z* — 2z) + g(a; —1)". Ham s6 ¢(z) dat cuc dai tai diém

y
A, z=-1. y=f"(x)

-1 1

-1 1 x

B. z =1. LN 2 .
Y |
|
C.z=3 :
-1 |
D. z=2 '
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Ciau3. Choham sd y = f(x) c6 dao ham trén R va ¢ d6 thi y = f/(z) nhu hinh vé. Xét ham
6
58 g(z) = fz* —1) + % — 22" + 32%. Tim khéng dinh ding ?
y

y="()

~~

A. Ham s8 ¢(x) c6 2 diém cye dai va 3 diém cuc tiéu.

~~

B. Ham s8 ¢(x) c6 3 diém cyc dai va 2 diém cuc tiéu.

~~

C. Ham s8 ¢(z) c6 2 diém cuc dai va 2 diém cuyc tidu.

~~

D. Ham s8 ¢g(z) ¢6 1 diém cuc dai va 1 diém cyec tiéu.

Ciu4. Choham sS y = f(x) c6 dao ham va lién tuc trén R va ¢ do thi ¥ = f(z) nhu hinh
4
vé. Xét g(z) = f(z® + 21) + % +27° + 22 Ham s8 ¢(%) c6 may diém cuc tidu ?

Cau5. Choham sS y = f(x) c6 dao ham va lién tuc trén R va ¢ d6 thi ¥ = f(z) nhu hinh

4 2
T 3z

vé. Xét ham g¢(7) = f(2* —2) — —+ - Ham s6 g(x) cé bao nhiéu diém cyec tiéu ?
L S
A. 4. 2
|
|
B. 1 ly=f'x)
H [
| |
C. 2 | I )
l : *
1 01 1 3 2
D. 3. 2 2 2
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® Hamsd y = f(‘x‘) c6 2a 4 1 voi a 1a sd cyc tri dwong ciia ham s8 y = f(x).

@ Hamso y = ‘f(:r;)‘ cd a + b cyc tri véi a 1a s6 cuc tri cia ham s8 y = f(z) va b 1a s6 nghiém

don ctia phuong trinh f(z) = 0 (s6 giao diém cat ctia d6 thi y = f(z) va truc Oz).

1. Chohamsd f(z) =12’ —(2m —1)2° + (2 — m)z + 2. Tim m d€ do thi ham s8 y = f(‘x‘)

co 5 diém cuec tri.

L(‘)igiéi.H‘amsé’y:f(‘xD c6 b diém cuctri = 2a +1=5=a = 2
A —<m<2
& fl(r) = 32" —2(2m — 1)z + 2 —m = 0 c6 2 nghiém dwong phan biét
B. 2<m<2. A>0 [4@m -1 ~122-m)>0  [4m’ —m—5>0
4 &£15>02m—-1>0 11
P>0 [2=m>0 §<m<2
C. ——<m<?2 ~
)
5 m<—=1V m>— 5
D. 2<m<=- < 4<:>Z<m<2.ChQnda'pa'nA.
4 §<m<2

N\ ' A 4 ~ ? n? \ ' 3 7 * A7 .
2. Tim s6 nguyén bé nhat cia m dé hamso y = ‘x‘ —2maz’° + 5‘95‘ — 3 6 5 diém cuyec tri.

3. Cbémay gia tri nguyén cia m dé€ham y = ‘xr —5z° — (3m — 1)‘95‘ +m c6 5 diém cuec tri.
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7 A .7 . A 2 A A? \ A 3 2 7 o« A2 o
4. Comay gia tri nguyén cua tham s6 m dé ham s6 y = |z° — 62" + m‘ co 5 diém cuc tri.

Dat f(z) = 2° —62° + m. Dé ham y = ‘f(a:)‘ co 5 cuctri < a+b=25,
A1 véi a =2 1a sO cuc tri cua y = f(z) va b =3 la sd nghiém don cta
phuong trinh f(z) = 0.

Xét f(x) =0 12" —62° +m=0& m=—1"+62° = g(z) cb:

B. 31.
g'(x)=-32" +122 =0 & 2 = 0 hodc z = 4.
C. 17. v - 0 + 0 -
too 32
0 —00
D. Vo s6. Dbé phuong trinh f(z) = 0 ¢6 3 nghiém 0 <m < 32 vado m € Z nén:

m € {1;2;3;...;31} c¢6 (31 —1) +1 = 31. Chon dap an B.

5. Comay gia tri nguyén cua m déhamsd y = ‘3w4 —4x® —122° + m‘ c6 7 diém cyc trj ?

6. Tinh tdng cac gia tri cia m d€ d6 thi ham s6 y = |2° — 32” +m| ¢6 5 diém cyec tri ?

A. 3.

B. 5.

C. 6.

D. 10.

7. C6 mady gia tri nguyén m € [—10;10] d€ ham s6 y = |mz’ — 3ma® + (3m —2)z +2 — m‘

cO 5 diém cuec tri ?

AT

B. 9.

C. 10.

D. 11.
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BAI TAP VE NHA 9

Cau 77. Hams6 y = f(z) c6 ding ba diém cyc trila —2, —1, 0. Ham s8 g(z) = f(z* — 22)
cO bao nhiéu diém cuc tri ?
A. 6.
B. 5
C. 3.
D. 4
Cédu78. Choham s6 y = f(z) xac dinh, lién tuc trén R va c6 dung hai diém cuec tri z = —1,
z = 1, dong thoi c6 d6 thi nhw hinh vé dwdi. Ham s8 g(z) = f(z* — 22 + 1) + 2020 cd

bao nhiéu diém cuc tri ?

A. 4.

Cau79. Choddthi ham s& f(z) = az’® + bz® + cx +d nhu hinh vé bén duwdi. Tim s6 diém cuc

trj ctia d6 thi ham s6 g(z) = f(z* — 3z). R
A. 5. 0 2 /
B. 6 |
C. 4.
D. 3

N
>

X

Cau 80. Chohamsd y = f(x) c6 d6 thiham f'(z) = az® + bxr + ¢ nhw hinh bén duwdi. Héi ham
s8 g(z) = f(z — 2*) cdbao nhiéu cuec trj ? Vv
o \
B. 1. )
3 \
D. 3. O L

Cau8l. Cho ham s8 y = f(z) c6 d6 thi cia ham s8 f'(z) nhu hinh bén dwéi. Ham s8

g(r) = f(z*) cé baonhiéu diém cuec trj ? v

AN
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Cau 82. Choham sdbacbon y = f(z). Ham s8 y = f'(z) c¢6 d6 thi nhu hinh vé bén. S6 diém

cuc dai ctaham s8 y = f(v2* +2z +2) la

A 1. '

C. 4

D. 3.

Cau 83. Choham sd y = f(z) lién tuc trén R. Biét ham s6 y = f'(z) c6 bang xét ddu sau

xT | -G —_'; '_J 5 4+

fiz) - 0 4+ 0 0+
S6 diém cuee tiéu cia ham s6 g(z) = f(6 — 2°) 1a
A. 5.
B. 7.
C. 3.
D. 4.

Cau84. Chohamsd y = f(z) lién tuc trén R. Bietham s y = f'(z) c6 bang xét ddu sau

—0o0 -2 0 =00

Y | + 0 - 0 +
Ham s8 g(z) = f(z” — 2z — 4) c6 bao nhiéu diém cuc tiéu ?
A. 1.
B. 3.
C. 2.
D. 4.

Cau85. Cho ham s6 y = f(z) lién tuc trén R. Biét ham s6 y = f'(z) cé bang xét dau:

z |—oo 1 3 5 +oo

f’(:r:)| -0 + 0 - 0 -

S6 diém cuee tri ctia ham s8 g(z) = f(z + 2 +1) 1a
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Cau 86. Chohamsd y = f(z) c6 daoham trén R va c6 bang bién thién ctiay = f'(x) nhw sau:

T |—o0

—2 0 1 2 400
4 +00
3
f'(@) \ / \ . /
-2

—0C

Ham s6 g(z) = f(z* + 4z + 2) c6bao nhiéu diém cuc tri ?
A. 7.
B. 8.
C. 9.
D. 10.
Cau 87. Choham sd y = f(z) c6 dao ham trén R va cé bang bién thién ctia y = f'(z). Ham

2 +1

s6 g(x)=f co may diém cyc tri?  * | 0 —2
T

-2 +a0
o | T 3
A. 4. " \_1/ \ w

B. 5.

C. 6.

D. 8.

Cau88. Chohamsd y = f(z) c6 daoham trén R va ¢ d6 thi ham s& f(z) nhw hinh vé. Ham

s6 g(x) = 2f(x) + 2* dat cuec dai tai diém y
----- 1
Az =-1.
N\ 1 2]
-1 O ' 1 T
B. z=0. -
=1\ '
C. z=1. E
—2 .. .
D. z =2.

Cau 89. Choham s8 y = f(z) lién tuc trén R va c6 do thi ham s f'(z) nhw hinh bén duwéi.

g 1 e
Ham s6 ¢(z) = f(z) —gsc?’ +2° — 2 + 2 dat cyc dai tai di€ém by
2
A z=1.
B. z=-1 /\/ o
[ o 1 2
C.z=0 :
-
D. z=2 :___2_
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Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cho ham s& y = f(z) lién tuc trén R va c6 do thi ham s f'(z) nhw hinh bén dwéi.

Ham s6 g(z) = 15f(—2" + 22*) —102° 4 302° — 20 c6 bao nhiéu diém curc tri ?

v
A. 0.
B. 3. 2
¢ \
D. 5. o 1—2 =

4 \ ~ \ A~ 1 ) * A2 .
Cho ham s8 f'(z) nhw hinh vé. Ham s8 g(z) = f(2*) — gscﬁ + ' — 2° dat cuc tiéu tai

bao nhiéu diém ? V]
A. 3. \ ------ /\

B. 2. 3 :
C. 0.

D. 1. »

Cho ham s6 y = f(z) c6 dao ham f/(z) =(2° ~1)(x — 4) véi moi x € R. Ham s&
g(z) = f(3 — ) c6baonhiéu diém cyc dai ?

A. 0.

B. 1.

C. 2.

D. 3.

Cho ham f(z) c6 daoham f'(z) = 2* — 2z, Vo € R. Ham s8 g(1) = f[l — %x + 4z

c6 mdy diém cuec tri ?
A. 0.
B. 1.
C. 2.

D. 3.

Cho ham s6 y = f(x) c6 dao ham f'(z) = 2 — 2z, Vo € R. Ham s8 y = f(z° — 8x)
cO bao nhiéu diém cuc tri ?

A. 6.
B. 3.
C. 5.
D. 2.
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Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Tong tat ca cac gia tri nguyén ctia tham s6 m d& ham s6 y = |3z* — 42° — 1227 +2m
cO 7 diém cuc tri béng

A. 3.

B. 2.

C. 6.

D. 4.

Gia tri nguyén duong nho nhat cua tham s8 m dé€hamsé y = |z° + 2° — 5z +2m — 1
co 3 diém cuc tri béng

2.

oSN = »

4
d.
7

Chohamsd y = %(m +3)z” + ma® + (m + 4)z + 3m ~ 2| véi m 1a tham s6 thuc. Gid
tri nguyén nho nhat cia m d€ ham s6 da cho ¢6-1 diém cuc tri bang

A. 5.

B. —3.

C. 0.

D. 2.

Choham sd y =

2t —2(m — 1)2” 4+ 2m — 3| voi m 1a tham s6 thyec. S8 gid tri nguyén

khong am ctia m d€ham s da cho ¢6 3 diém cuc tri la

A. 3.

Tim tham s m d€ hamsd y = é‘xr’ —ma’ + (m + 6) ‘x‘ + 2020 c6 5 diém cyec trj ?
A, m <=2

B. m > —6.

C. m>0.

D. m > 3.
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Cau 100. Choham s8 f(z) = z° — (2m — 1)2° + (2 — m)z + 2. Tim tham s6 m dé& d6 thi ham s&
Y= f(‘x‘) c6 5 diém cuc tri.

Cau 101. Cho ham s8 y = f(z) c¢6 d6 thi dao ham f'(z) nhu hinh vé. C6 bao nhiéu gia tri
nguyén cua tham s6 m thudc khoang (—12;12) sao cho ham s6 y = f(z) + mz + 12

c6 ding mot diém cuc tri ? y
A. 5. -1°
B. 18.
C. 20.
D. 12.

Cau 102. Cho ham s3 f(z) c6 dao ham trén R. D6 thi ham s8 y = f(z) nhw hinh vé. Tim m
dé€ham sd y = f(z) — mz cdba diém cyec tri?

A. 0<m<4.
B. 0<m <4.

C. m>4.

O 1

D. m <0.

Céau 103. Cho ham s8 f(z) c6 dao ham f'(z) = —2® — 22°, V2 € R. C0 tat ca bao nhiéu gia tri
nguyén duong cua tham s6 m d€ham s6 ¢(z) = f(z) +mz + 3 c6 3 diém cuc tri.

A. 1.
B. 2.
C. 3.

D. 4.

Cau 104. Cho ham s8 f(z) c6 dao ham f'(z) = (z* — 3)(2* + 1), Vz € R. C6 bao nhiéu gia tri
nguyén duong cua tham s6 m d€ham s6 y = f(z) —mx c6 4 diém cuc tri ?

A. 0.
B. 1.
C. 2.

D. 3.
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Cau 105.

Cau 106.

Cau 107.

Cho ham s8 f(z) c6 f'(z) = z(z — 1)(z* — 2mz + 1), Vz € R. Héi c6 mdy s& nguyén

m khong vuot qua 2018 sao cho ham s6 g(z) = f(z°) ¢6 7 diém cyc tri ?
A. 2019.
B. 2016.
C. 2017.

D. 2018.

Cho ham s8 f(z) c6 daoham f'(z) = (2° — z)(2*> — 4z + 3), Vz € R. Tinh tong tat ca

cac gia tri nguyén ctia tham s6 m d€ ham s6 g(z) = f(z* + m) c6 3 diém cyc tri.
A. 0.
B. 6.
C. 3.
D. 2.

Cho ham s& f(x) c6 d6 thi ham s6 y = f'(z) dwoc cho nhu hinh vé bén. Ham s&

g(z) = |f(z) + %332 — f(0)| co nhiéu nhat bao nhiéu diém cyc tri trong khoang (—2;3).
A. 6

B. 2

C. 5 LI\

D. 3
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