Truong THPT Nguyén Trung Truc Huréng dan 6n tdp hoc ky 2 16p 12- Ném hoc 2016 - 2017
Chuwong ITI: NGUYEN HAM - TICH PHAN
A/ TOM TAT LY THUYET
1. Khai ni¢m nguyén ham
e Cho ham sé f x4c dinh trén K. Ham sé F dgl nguyén ham cua f trén K néu: F'(x) = f(x), VX € K
o Néu F(x) 1a mot nguyén ham cia f(x) trén K thi ho nguyén ham cua f(x) trén K Ia:
_[f(x)dx:F(x)+C ,CeR.
e Moi ham s6 f(X) lién tyc trén K déu c6 nguyén ham trén K.
2. Tinh chat

[ f'(0dx = f(x)+C | [f(x) + g(x)]dx [fOodx+[gx)dx  [kf(x)dx =k[ f(x)dx (k#0)
3. Nguyen ham ciia mét s6 ham s6 thwong gip
Od — X
J. . . Iaxdxz a
. Idx:x+C Ina
Latl . Icosxdx =sinx+C
IxadX—a+1+C, (a#-1) oIsinxdx=—C05x+C
ojldx:]n|x|+c J.;dx—tanx+C
X

COS X

.je dx=e"+C j—dx——cotx+C
sin” x

o cos(ax+b)dx = Lsin(av+b)+C @#0) | o [e*Pdx = Lewb e (a20)
a a

| I—dx——ln|ax+b|+C
[[sin(ax +bydx = ~—cos(@x+h)+C (a#0) ax+b

4. Phwong phap tlnh nguyén ham
a) Phwong phap doi bién s6

e Dang 1: Néu f(x) c6 dang: f(X) = g[u(x)].u'(x) thita dat t =u(x) = dt =u'(x)dx .
Khi do: J.f(x)dx = jg(t)dt , trong do jg(t)dt dé dang tim dwoc.

Chuy: Sau khi tinh Ig(t)dt theo t, ta phdi thay lai t = u(x).
e Dang 2: Thuong gap o cdc truong hop sau:

f(x) ¢é chira Cich doi bién
2 2 . T T
a —Xx x=ldsint, -Z<r<=
2 2
hodc x |a|cost 0Lt
2 2 T T
a +x x=ldtant, -—Z<t<Z
2 2

hodcx=|a|cott, O<t<nm

b) Phwong phap tinh nguyén ham tirng phén:
u=u(x du =u'(x)dx
bat () = = =u.v—jvdu
dv=v(x)dx |V= J.v(x)dx
Thee tur wu tién dat u: hm logarit, hm da thire, hm mi, hm luong gic.
2. Tich phan

a. Pinh nghia: Cho f(x) lién tuc trén doan [a; b] va F(X) la mot nguyén ham cuia f(x) trén doan
[a; b]. Khi d6
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f f(x)dx = F(x)|’ = F(b) - F(a)

b. Tinh chat: (SGK)
C. Phuong phap dbi bién sé:

b
« Dbi bién s dang 1: Tinh tich phan T = f f(x)dx

bat x = u(t) c6 dao ham lién tuc trén doan [a; B] sao cho u(a) = a, u(B)=b vaa < u(t) < b. Khi
do

b 8 8
= f f(x)dx = f flu(O]u'(Odt = f g(t)dt

b
e Déi bién sé dang 2: Tinh tich phan I = ff(x)dx

bat u = u(x) c6 dao ham lién tuc trén doan [a; b] va a < u(x) < B. Khi do

b b 3
I:ff(x)dx :fg[u(x)]u'(x)dx :fg(u)du

d. Phwong phap tirng phan: Néu ham sé u = u(x), v = v(x) c6 dao ham lién tuc trén [a; b] thi

b b

b
fu.dV: u.V|a —fv.du
a a

3. Ung dung cua tich phan trong hinh hec:
a. Dign tich hinh phing: Cho ham s y = f(x) vay = g(x) lién tuc trén doan [a; b]. Dién tich
hinh phang giéi han boi do thihamsoy =f(x), y=g(x),x=a,x=bla

S— f [f(x) — g(0)]dx

b. Thé tich khéi tron xoay: Thé tich caa khdi tron xoay gii han bai d6 thi ham sé y = f(x),
truc Ox, X = a, X = b quay quanh truc Ox la

V= [[feo] dx

B. Bai tap
A s . g 1 ..
Cau1: Nguyénham cuahamso f(x) =x2-3x+ = la:
X

3 2 3 2 3 2
A. X——?’L+In|x|+c B. X——3L+LZ+C C. x*=3x*+Inx+C D.X——3L—In|x|+c
3 2 3 2 X 3 2
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Cau 2:

Cau 3:

Céau 4:

Cau 5:

Cau 6:

Cau7:

Céau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Nguyén ham cua ham sé f(x) :%-%la :

A. Inx—Inx*+C B. Inx - % +C C. In|x| + % +C D. Két qua khac
Nguyén ham cua ham sé f(x) =e* —e*la:

A. %ezx -e“+C B. 2 —e*+C C. e*(e*-x)+C D. Két qua khéc
Nguyén ham ciia ham s6 f (x) = cos3x la:

A. %sin 3x+C B.—%sin 3x+C C. —sin3x+C D. -3sin3x+C
Nguyén ham cua ham sb f(x) = 2e* + p—c la:

A. 2e* +tanx + C B. eX(2x - cos_zxx) C.eX+tanx +C D. Két qua khac

Tinh jsin(3x—1)dx , két qua la:
A —%cos(Sx—1)+C B. %cos(Sx—1)+C C. —cos(3x-1)+C  D. Két qua khac
Tim I(cosz—cos4x)dx la:

A. —%sin 6x+%sin4x+C B. 6sin6x—-5sin4x+C
1. 1. . .
C. gsm 6x—zsm4x+C D. -6sin6x +sin4x+C

Tinh nguyén ham j ﬁdx ta dugc két qua sau:

A. Infl-2x|+C B. -2Infl-2x|+C  C. —3|n|1—2x|+c D. %+C
2 (1-2x)
Cong thitc nguyén ham nao sau day khéng dung?
a+l
A. J'ldx:lnx+C B. J.x“dx: X +C (a#-1)
X o+l
C. jaxdx= 4 c (0<a=#1l) D. %dx:tanx+c
Ina C0s” X
Tinh _f(3cosx—3x)dx , két qua la:
. 3 . X . X . 3
A. 3sinx— +C B. —3sinx + +C C. 3sinx+ +C D. -3sinx— +C
In3 In3 In3 In3
Nguyén ham cua ham s6f(x) = (1-2x)° Ia:
A.-%(l-Zx)uc B. (1-2x)*+C C. 5(1-2x)°*+C D. 5(1-2x)* +C
Chon khing dinh sai?
A. Inxdx:1+C B. I2xdx:x2+C
X
C. [sinxdx =—cosx+C D. %dx=—cotx+c
sin” x
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Cau 13:

Céu 14:

Cau 15:

Céu 16:

Cau 17:

Cau 18:

Cau 19:

Céau 20:

Cau 21:

Cau 22:

Céau 23:

Nguyén ham cua ham sé f(x) = 2x +i2 la:
X

A x-2icC B. x2+%+c
X X

C. x> +3Inx*+C D. Két qua khéc

Ham s6 F(x) =e” +tan x + C la nguyén ham cua ham sé f(x) nao?

1

sin® x

A f(x)=¢e"-

B. f(x)=¢"+

sin® x
Néu [f(x)dx =e* +sin2x+C thi f(x) bang

A.e* +c0s2x B. ¥ —cos2x

C. f(x)=¢e"+ D. Két qua khac

cos’ X

C. e +2c0s2x D. e* +%cos 2X

Trong cac ham sb sau day , ham s6 nao la nguyén ham cua f(x) = sin 2x

A.2C0S2X B.-2c0s2x

C.lcos 2X D._—lcos 2X
2 2

Trong cac ham sb sau day , ham s6 nao 1a nguyén ham cua f(x) = x* +3x* —2x +1

A.3x° +6x -2 B.%x4+x3—x2+x

Trong céc ham s6 sau ddy , ham s6 nao 1a nguyén ham caa f(x) =

A.n|2x +2016| B. %In|2x+2016|

Trong céc ham sb sau ddy , ham sb nao 1a nguyén ham cua f(x) =e

A. e3X+3 B 3 e3X+3
A \ 5 Y A 1 Y
Nguyén ham cua ham sé: J = J'(—+xjdx la:
X
A.F(x)= In|x|+x*+C

C.F(x) = In|x|+%x2 +C

Mot nguy@n ham cta ham sb: y = cos5x la:

A. cosbx+C B. sin5x+C
Nguyén ham cia ham sé: J = .[(ZX +3")dx la:
A. F(x) = 2 + 3 +C
In2 In3
C.F(x) = 2 _3 +
In2 In3
4
Nguyén ham F(x) ctahamsé f(x)= ZXX2+3
3
AF(x)=2 3¢
3 X
s 3
C. F(x)=-3x"-—+C
X

C. %x“+x3—x2 D. 3x*> —6x -2

I
2Xx+ 2016

C. —%In 2x+2016]  D.2In|2x+ 2016

3x+3

C. 1e3x+3 D _3 e3x+3

3

1.,

B. F(X) = In(x)+§x +C
D. F(x) = In(x)+x*+C

1. 1.
C. =sin6x+C D.=sin5x +C

6 5
B. F(x)=_2 = .c

In2 In3

D.F(x)=2"+3*+C

(x=0) la

8. F(x) =X -3,
3 X

D F(x):z—)(3+E C
3 X
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Cau 24: Trong cac ham sb sau day , ham sé nao 1a nguyén ham cua f(x) =e* +cos x

A.e* +sinx B. e —sinx C. —e* +sinx D. —e* —sinx
Cau25: Tinh: P :I(2x+5)5dx

6 6
A. P :M+C B. P :ilw_}_c
6 2 6
6 6
C.P :M+C D.P :M+C.
2 5
Cau 26: Mot nguy@n ham cuaa ham sé: | = Isin“ x cos xdx la:
H) 5 H)
A. |=S'”5X+C B. |=C°;X+c ci=—"X,c D I=sin®x+C
Cau 27: Trong cac ham sb sau day , ham s6 nao 14 nguyén ham cua f(x) = 2;
cos“(2x+1)
2; B. 2_—1 C.ltan(ZX +1) D. 1COt(ZX +1)
sin“(2x +1) sin“(2x +1) 2 2
A A > 5 N A (X_1)3 >
Cau 28: Nguyén ham F(x) cuahamso f(x)=—"* (x=0) la
X
A F(x):x—3ln|x|+§+i2+c B. F(x)=x—3|n|x|—§—i2+c
X 2X X 2X
C. F(x)=x—3|n|x|+§—i2+c D.F(x):x—3ln|x|—§+i2+c
X 2X X 2X
Cau 29: F(x) la nguyén ham ctia ham sé f (x) = 2):;3 (x=0), biét ring F(1)=1. F(x) la biéu thic nao sau
day
3 3
A. F(x)=2x-—+2 B. F(x)=2In|x|+=+2
X X
3 3
C. F(x)=2x+—-4 D. F(x)=2In|x|-=+4
X X
Cau30: Hamsb F(x)=e* languyén ham cia ham sb
A. f(x):2x.eXz B. f(x)=¢e* C. f(x)z(;— D. f(x):xz.eX2 -1
X
Cau 31: Mot nguyén ham caa ham sb: y = cos5x.cosx Ia:
A. cos6x B. sin6x C.i Esin6x+lsin4x D.—i sm6x+sm4x
2\ 6 4 2 6 4
Cau 32: Nguyén ham cua ham sb f(x) = 2sin3xcos2x
A. —%cosSx—cosx+C B. %c035x+cosx+c
C. 5c0s5x +cosx +C D. Két qua khéc
Cau 33: Tim ham s6 f(x) biét rang f(x) = 2x + 1vaf(1) =5
A XP+x+3 B.x*+x-3 C.x2+X D. Két qua khéc
Cau 34: Tim ham sé f(x) biét ring £(x) = 4/X —x vaf(4) =0
2 2 2
p BOX X 40 g sVx X A0 Bx XE 40 g qué khac
3 2 3 3 2 3 3 2 3
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Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Céu 41;

Cau 42:

Cau 43:

Cau 44:

Cau 45:

A~ N . N X 2 N
Nguyén ham cta ham so J.xeX dx la

e*

A. xe* +C B. 5 +C

Timham sé y =f(x) biét f'(x) = (x> —x)(x+1) va f(0)=3

4 2
A. y=f(x):XT—X7+3

4 2

X X
C.y=f(X)="—+-—+3
y="F(x) 13

Tim I— la:
X —3X+2
A. Ini—lnL+C B. InX 2 +C
X—2 x-1 x-1
Tim Ixcostdx la:

A. 1xsin 2X +10052x+C
2 4

2 -
C.X 5|4n2x+C

C. e +C D. x+e*
x* X2
B.y=f(X)=—-——-
y="F(x) 7
D. y=f(x)=3x*-1
x-1
C.In—— 5 +C D. In(x-2)(x-1)+C
X_

B. %xsin 2x+%cost+C

D.sin2x+C

Tinh nguyén ham jsin“‘ xcosxdx ta duoc két qua la:

A. sin*x+C B. 1sin“x+C

Tim nguyén ham I(Q/F+£jdx
X

C. —sin*x+C D. —isin4x+C

A.%E/F+4In|x|+c B. —%3/?+4In|x|+c C.%%—4In|x|+c D. %3/?+4In|x|+c

, X .
Két qua cua jl—zdx la:
—X

2 _1
A. J1-x“+C B. \/1_7+C

Tim nguyén ham I(1+ sin x)%dx

A. §x+ZCosx—%sin 2x+C

C. gx—20032x—£sin2x+C
3 4
Tinh J'tanzxdx , két qua la:

A. x—tanx+C B. -x+tanx+C

Nguyén ham ciia ham sé f(x) =v/x 1a

B. —+C

A. Jx+C 20X

C. 1 - +C D. J1-x*+C

B. Ex—2005x+£sin 2x+C
3 4

D. gx—2cosx—£sin 2x+C
3 4
C. -x—tanx+C

D. %tan3x+C

C.gx X +C D. gx X +C
3 2

Ham sb F(x) =e* + tanx + C la nguy@n ham cua ham sé f(x) nao ?

1

sin? x

A f(x)=¢" -

B. f(x) =" +——
SIN™ X

1

C0S°X

C. f(x)=e" -

D.f(x)=e*+

cos°X
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Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Céau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Nguyén ham F(x) caa ham s6 f(x) = 4x® —3x*+2 trén R thoa mén diéu kién F(-1)=3 Ia
Ax*—x¥+2x+3 B. x*-x*+2x-4 C. x*—x*+2x+4 D. x*-x*+2x-3
Mot nguyén ham cua ham sé f(x) = 2sin 3x.cos3x la
A. %cost B.—%cosz C. —c0s3x.sin 3x D. —%sin 2X

Mot nguyén ham caa ham sé y = xv/1+x?  1a:

2

A. |=(x):x7(\/1+7)2 B. F(x):%(m)z C. F(x):%(m)z D. F(x):%(\/1+7)3

A \ Y \ X 2 \
Mot nguyén ham cua ham so y =3x.e*  la:

2 2
A. F(x):3exz B. F(x)zgexz C. F(x):%exz D. F(x):%exs
Mot nguyén ham cua ham sé y = 2Inx la:
X
) In% x ) )
A. F(x)=2In*x B. F(x)= 5 C. F(x)=In*x D. F(x)=Inx
Mot nguyén ham cia ham s y = 2x(e* -1) Ia:
A. F(x):ZeX(x—l)—x2 B. F(x):ZeX(x—l)—4x2
C. F(x)=2e*(1-x)-4x? D. F(x)=2e*(1-x)-x?
Mot nguyén ham caia ham sé y = xsin2x  1a:
A. F(X)ZKCOSZX—ESin 2X B. F(x):—icOSZX—lsin 2X
2 4 2 2
C. F(x):—50052x+lsin 2X D. F(x):—5c052x+lsin 2X
2 2 2 4
tanx
Mot nguyén ham cua ham s6 f(x) = —— la:
cOSs*X
tanx
A £ - B. e'™™ C. e™ +tanx D. e"™™ tanx
cos’x
Mot nguyén ham cua ham sb: y = _COSX
5sinx -9
A. In[5sinx—9| B. %In|53inx—9| C. —éln|53inx—9| D. 5In|5sinx 9|
Tinh: P :Ix.exdx
A. P=xge"+C B.P=e"+C C. P=xe*-e"+C D. P=xeg"+e*+C
Nguyén ham cua ham sé: y = cos? g la:
A 1(x+5in x)+C B. 1(1+cosx)+C C. 1cosi+C D. lsin1+C.
2 2 2 2 2 2
Nguyén ham cua ham sé: y = cos?x.sinx Ia:
A. %cos3x+c B. —cos*x+C C. %sin3x+C D. —%cos3x+C
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X

Cau 58: Mot nguyén ham caa ham sé: y = = la:
+
A2 In(e*+2)+C B. In(e*+2)+C
Cau59: Tinh: P= J'sin3 xdx
A. P=3sin’x.cosx+C
1
C.P :—cosx+§cos x+C
. x3
Cau 60: Mot nguyén ham cua ham so: y = =
2—-X
A. X2 -x? B. —%(x2+4) 2-X
2.TICH PHAN
1
Cau 61: Tich phén | :.[(3x2 +2x—1)dx bang:
0
Al=1 B.1=2
2 ‘
Cau 62: Tich phan | :J.sin xdx bang:
0
A -1 B.1
1
Cau 63: Tich phan I:j(x +1)%dx bang:
0
A. § B.2
3
1 A
Cau 64: Tich phan I = J'ex*ldx bang:
0
Ae’—e B. €’
4
Cau 65: Tich phan I='|'X—+1dx bang:
3 X—2
A.-1+3In2 B. -2+3In2
1
Cau 66: Tich phan 1= IZ)(—+ldx bang:
) X°+2X+5
A. In§ B.iln§
5 2 5
cau 67: Tich phan 1= j Lax bang:
X
1
A. e B.1

2
Cau 68: Tich phan | = I2e2xdx bang :
0

A. ¢* B.e*-1

C. eIn(e*+2)+C D. e*+C

B. P :—sinx+%sin3x+c

D. P :cosx+%sin3x+c

1 1
C. —EXZ\/Z—XZ D. —§(x2—4) 2—x*

C.1=3 D.1=4
C.2 D.0
c.t D. 4
3
C.e?-1 D.e+1
C.4In2 D.1+3In2
C. 2In§ D. —2In§
5 5
C.-1 D. l
e
C. 4¢* D. 3e*-1
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Céau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75;

Cau 76:

Cau 77:

Céau 78:

2
Tich phan I=I( i4 dx bang:
X
1

Az B. 2
8 8
Tich phan I__[—dx bang:

A.In(e-2) B. In(e-7)

Tich phan 1= Js'(x3 +1)dx béng:

-1

A. 24 B. 22
2 1 .
Tich phén I:'[—zdx bang:
1 (2x+1)
Al B. %
Tich phan |=J1.2d—x bang:
o X —5X+6
Al=1 B.1= In%
1
Tich phan: J= IL): bang:
o (x+1)
A.J=l B. le
8 4
3 X .
Tich phan K:J' >——dx bang:
5 X7 =1
=1n2 B. K=2In2

N
Tich phan | = j xv1+ x?dx bang:

1

A 4—3& 5 8- gﬁ

1
Tich phan | :Ix(l—x)lg dx bang:
0

AL B L
420 380
Tich phan | =J'—“ 2+Inx dx bang:
1 2X
N L V344
-3 -3

C.—

C. |n(3+—ej
4

C.20

C.1=1In2

C.J=2

C. K=

In=

C 442

D. In[4(e+3)]

D. 18

N

=—In2

5 3W3-242
' 3
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Cau 79:

Céau 80:

Cau 81:

Céau 82:

Céau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

O e | A

Tich phan | = | tanxdx bang:
A. InE B. -Inﬁ
2 2

1
Tich phan IZd—Xz Ina. Gié tri cia a bang:
5 3—2X

Al B.2
Tich phan Iln—xdx bang:
X
1
A —/3 B.1

1
Tich phan 1= J'\/;dx c6 gia tri la:
0

A.

N w

B. =
2

T

4
Tich phén 1= J.cos 2xdx co giatrila:
0

A.i B.1
2

s

2
Tich phan 1= jsin 3x.cos xdx co giatrila:
0

AL B. X
2 3
1.3 2
Tich phan | = dex bang:
y  X+2
A.1+3|n§ B. 1—3InE
3 2 3 3
1
1= [(*=D)(x* +1)dx
0
AL B. 2
5 5
AR
Tich phan I23in25béng:
0
A.E_ﬁ B. EJFQ
4 2 4 2

1
, R xdx S
Tich phan | ———dx bang:
P ! V2x+1 :

A B.1

Wl

C.In2

C. l+3Ing
3 3

C.In2

D. Pép an khac.

D.4

O
N |-

D.2

I
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Cau 89:

Cau 90:

Cau 91:

Cau 92:

Céau 93:

Cau 94:

Cau 95:

Cau 96:

Céau 97:;

Cau 98:

Cau 99:

1
Gia tri cua J'3e3xdx bang :
0
Ael-1 B.el+1
1
Tich Phan I(x—l)zdx bang :
0

A.l B. 1

3
1

Tich Phan j x+/3x +1dx bing
0

B 116

A.9 —
135

g

4

Tich phan| = Itanzxdx bang:
0

Al=2 B. In2

1
Tich phan L = Ixxfl—xzdx bang:
0

A L=-1 B.L:1
4

2
Tich phan K = .|.(2x ~1)Inxdx bang:
1

A. K:3In2+1 B. K:1
2 2

Tich phan L = 'fxsin xdx bang:
0

A . L=xn B.L=-=x

T

3
Tich phan | :Ixcos xdx bang:
0

n\/§—1 n\/§—l

A B.

6 2

In2

Tich phan | = j xe™dx bang:
0

1

1
A.=(1-In2

2
Tich phan | = J'In—zxdx bang:
X

1

A L(1+1n2) B.1(1-In2)
2 2
5
Gi s | X _InK.Gidtri cia K Ia:
12X -1
A9 B.8

B. =(1+In2
(1+in2)

C.ed
C.3
C.3
cl=1-%

4
C.L=1
C.K=3In2
C.L=-2
cmB_1

6
c.%anz_g
c %UnZ—Q
C.81

D. 2¢e2

D.4

D.1

D.L=

Wl

1

D.K=2Inh2-=
2

D. ~(1+In2)

1
D. =(1+In2
S(1+in2)

D.3
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Cau 100:

Cau 101:

Cau 102:

Cau 103:

Céu 104:

Cau 105:

Cau 106:

Céu 107:

Cau 108:

Céu 109:

Céu 110:

1
2 . A dx .
boi bién x = 2sint tich phan tro thanh:
'(|).\/4—x2
: : i
A. | tdt B. | dt C. |=dt
| | I
2
Tich phan I:j _d>2< bang:
@ sin
7
A 4 B.3 C.1
e cos(Inx
Cho I = I#dx, ta tinh duoc:
X
1
A.l=cosl B.1=1 C.1=sinl
243 \/§ .
Tich phan 1= | ———dx bang:
'2[ Xv/x* -3
AL B. 1 c.z
6 3
4 N
Tich phan I:I|x—2|dx bang:
0
A.0 B.2 C.8
Két qua cua Ild—x la:
1 X
A.0 B.-1 C. % D. Khéng ton tai
3
Tich phan | = j dx c6 gia tri la:
2 X2 -1
A 242 B. 2423 C. 242++3

1
Cho tich phan 1= J'x2 (1+x)dx bang:
0

3 4
B.[X_+X_j
3 4

1

A. Jl'(x3 + x4)dx
0

0

€ 2
Tich phan 1= [22" X gy o6 gia i
1
AL B.2
3 3
1 2
Tich phan 1= J'x.eX “dx ¢ gia tri 1;
0
2 2
A Ete g £te
2 3
1
Tich phan 1= I(l—x)exdx co gia tri 1a:
0
Ae+2 B.2-e

O

O t——yw|a
o
—

D.2

D. Mot két qua khéc

N3

D.4

O
w|
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0
. . COS X
Céau 111: Tich phéan |1 = J. .
2+sIinX

T

2

A.In3 B.0 C.-In2 D. In2

dx cogiatrila:

1 1 2
Cau 112: Néu [f(x)dx =5 va [f(x)dx =2 thi [f(x)dx bing:
0 2 0

A.8 B.2 C.3 D. -3
3. UNG DUNG CUA TiCH PHAN
a) Tinh dién tich:
Cau 113: Dién tich S cta hinh phang gisi han béi do thi cua ham s6 y = f (x) lién tuc, tryc hoanh va hai duong

thang x =a,x =b dugc tinh theo cong thuc:

A. S:i|f(x)|dx B. S:Tf(x)dx
C. S:.Tf(x)dx+if(x)dx D. S:.Tf(x)dx—j).f(x)dx

Cau 114: Dién tich S cuia hinh phang gisi han bai d6 thi cia ham sé y =1, (x),y =f,(x) lién tuc va hai dudng
thing X =a,x =b duoc tinh theo cong thic:

A S:i|fl(x)—f2(x)|dx B.S= 'Tfl(x)—fz(x)dx
C. S:j[fl(x)—fz(x)]dx D. Szj:fl(x)dx—jfz(x)dx

Cau 115: Dién tich hinh phang dugc gigi han boi d thi ciia ham sé y = x°, truc hoanh va hai duong thing
x=-1,x=3la:

A2

> (dvet) B. 2

3 (dvdt) C. % (dvdt) D. Tét ca déu sai
Cau 116: Dién tich hinh phang duoc gigi han boi duong y = Xx* —x+3va duong thang y=2x+11a:
A %(dvdt) B, -é (dvat) . %(dvdt) D. 5 (dvdt)
Cau 117: Dién tich hinh phang duogc gigi han béi cac duong y=x*+x-1va y=x"+x-1la:
8 7 7 4
A. — (dvdt B. — (dvdt C.-— (dvdt D.— (dvdt
1 (dvdt) 7 (dvdt) 1 (dvdt) 1 (dvdt)

Cau 118: Dién tich hinh phang dugc gigi han boi cac dudng y = 2x —x?va duong thang x+y=21a:

A< (dvdt) B. 2 (dvek) c. g (dvdt)D. = (dvek)
Cau 119: Dién tich hinh phang duoc gii han bai cac duong y = In X, truc hoanh va hai duong thang
1 R
X==—,X=ela:
e
1 1 1 1
A. e+= (dvdt) B. — (dvdt) C. e+= (dvdt)D.e—= (dvdt)
e e e e
Cau 120: Dién tich hinh phing duoc gii han boi cac duong y =x°+3x,y =—x va dudng thing x =-21a:
A. 12 (dvdt) B, % (dvat) c. % (dvat) D. %7 (dvat)
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Cau 121:

Céu 122:

Cau 123:

Cau 124:

Cau 125:

Cau 126:

Cau 127:

Céu 128:

Cau 129:

Cau 130:

Cau 131:

Cau 132:

Cau 133:

Dién tich hinh phang gigi han boi y =x°,y=0,x=-1,x =2 c6 két qua la:
A. E B.4 C.E D.E
4 4 4
Dién tich hinh phang gidi han boi y=—-1,y =x*—2x? -1 c6 két qua la
A 82 B. 2 c 16v2 p.2!
5 3 15 4
Dién tich hinh phang gigi han boi y =-x,y = 2x —x* c6 két qua la
A.4 B.g C5 D.Z
2 2
Dién tich hinh phang gigi han boi y=x+3,y=x"-4x+3 cokétquala:
2 3 4 3
A B.> c> p.> 1
6 6 6 6
Dién tich hinh phang giéi han boi y=-x*+5x+6,y=0,x=0,x =2 c6 két qua la:
\ 2 5 o 0.2
3 3 3 3
Cho hinh phang (H) duoc gisi han bai parabol (P):y = x> —2x, truc Ox va cac dudng thang
x =1, x =3. Dién tich caa hinh phang (H) Ia :
A.g B.i C.2 D.§
3 3 3
Cho hinh phing (H) duoc gigi han boi duong cong y = x> —x +3 va duong thang y = 2x +1. Dién
tich cua hinh (H) la:
A.E B.4 C.E D.1
6 6 6
Dién tich cua hinh phang gisi han boi (C):y=x%y=0;x=-Lx=2 la:
AL B. L/ c. B p. 2
4 4 4 4
Dién tich cua hinh phang gigi han bai (C):y=3x"-4x*+50x ; x=1L,x=2 la:
A 22 213 o 14 o
15 15 15 3
Dién tich cua hinh phang gi6i han béi (C):y =-x>+6x-5,y=0; x=0;x =1
A2 Bl c. -t D. -2
2 3 3 2
Dién tich cua hinh phang gigi han bai (C):y=sinx;0x;x=0;x=m la:
Al B.2 C.3 D.4
Dién tich hinh phang gigi han boi cac duong y = x> —4;0x bang ?

A2 B. C. 12 p. =2
3 3 3
Dién tich hinh phang gigi han boi cac duong y = x* —4x;0x ;X = -3 x =4 bang ?
A.g B.44 C. 36 D. ﬁ

4 4
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Cau 134:

Céu 135:

Céu 136:

Cau 137:

Cau 138:

Cau 139:

Céu 140:

Cau 141:

Cau 142:

Cau 143:

Cau 144:

Cau 145:

Cau 146:

Dién tich hinh phang gigi han boi cac duong y =x>;y =X +2 bang ?

2 2 2 2
Dién tich hinh phang gigi han boi cac duong y = x* —4x%; Ox bang ?
a1 o 112 .12 b, 128

15 15 15
Dién tich hinh phing gigi han boi cac duong y = x* +4x; Ox; X =-1 bing ?
A. 24 B. g C.1 D. —g
4 4

Dién tich hinh phang gigi han boi cac duong y = cosx; Ox; Oy; x=n bang ?
Al B. 2 C.3 D. Két qua khéc
Dién tich hinh phang gidi han boi cac duong y = x* —x; Ox bang ?
AL B. 1 C. 2 p.

2 4 4
Dién tich hinh phang gigi han boi cac duong y=¢€*;y=1va x =1 la:
Ae-2 B.e C.e+l D.1-e
Dién tich hinh phing gi¢i han bai cac duong y =3vX ;x =4; Ox Ia:
A. % B. 24 C. 72 D.16
Di¢n tich hinh phang duoc gisi han bi cac duong y = (e+1)x,y =(1+€*)x la:
A. %—Z(dvdt) B.g—l(dvdt) C.%—l(dvdt) D. %+1(dvdt)
Dién tich hinh phang duoc gidi han bai cac duong y =sin 2X,y = cosx va hai dudng thang

x:O,x:EIé:
2

A L (avat) B. = (dvdt) c. 2 (avat) D.2 (avat)
4 6 2 2
Dién tich hinh phang gi6i han bsi y =x,y =sin’x+x (0<x<n) co két quala
A.m 3.~ C.2n D.Z
2 3
Dién tich hinh phang duoc gidi han bai cac duong y=x>-2xva y=x1a:
A.% (dvat) B, g (dvat) c. % (dvat) D. 0 (dvdt)

Cho hinh phing (H) duoc gigi han boi duong cong (C):y = x°, truc Ox va duong thang x = g Dién
tich cua hinh phang (H) 1a :

A. % B. 8l C. 8 D.4
64 64 4
Cho hinh phang (H) duoc gisi han boi dudng cong (C) :y =e€*, truc OX, truc Oy va dudng thang

x = 2. Dién tich cua hinh phang (H) 1a :
2

Ae+4 B.e?—e+2 C.%+3 D.e*-1
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Cau 147:

Cau 148:

Cau 149:

Cau 150:

Cau 151;

Cau 152:

Céu 153:

Cau 154:

Cau 155:

Cau 156:

Cau 157:

Céu 158:

Cau 159:

Céu 160:

Cho hinh phing (H) duoc gigi han boi duong cong (C):y =Inx, truc Ox va duong thang x =e.
Dién tich cua hinh phang (H) la :
Al B.%—l C.e D.2
Cho hinh phing (H) duoc gigi han dudng cong (C):y = x* —2x° va truc Ox. Dién tich cta hinh
phang (H) la:
Al B.2 ¢l p.%8

3 3 12 3
Dién tich hinh phang dwoc gigi han bai hai duong y = Jx va y=x*la:
Al B.1 cl p.L

2 4 5 3
Dién tich hinh phang gi¢i han boi y=sinx;y=cosx;x=0;x =7 la:
A.2 B.3 C. 32 D.2+/2
Dién tich hinh phang gigi han boi y = x+sinx;y = x (0<x<2n) la:
Al B.2 C.3 D.4

3
Dién tich hinh phang gigi han boi y = N X —y=x la
—X

Al B.1-1In2 C.1+1In2 D.2-1n2
Dién tich cua hinh phang gisi han bgi (C):y =4x —x*;Ox la:
A H B. -2 c.® p. 32

3 3 3 3
Dién tich cua hinh phang gi¢i han bsi (C):y =x+2x;y=x+2 l&:
A. E B. 1 C. g D. E

2 2 2 2
Dién tich cia hinh phang gisi han bsi (C):y =1; d:y=-2x+3 la:

X

A E—In2 B. 1 C. In2—E D. 1

4 25 4 24
Dién tich cua hinh phang gi6i han bsi (C):y=x%(d):x+y=2 la:
A.Z B. g C. E D. E

2 2 2 2
Dién tich cua hinh phing gi6i han bsi (C):y=x?(d):y= Jx la:
A. g B. i C. § D. E

3 3 3 3
Dién tich hinh phing gigi han boi cac duong y=-3x*+3 véi x>0;0x ; Oy la:
A. -4 B.2 C. 4 D. 44
Dién tich hinh phang gigi han boi d6 thi ham sé y = x* —3x”va tryc hoanh Ia:
A. —ﬂ B. é C.z D. 4

4 4 4

Dién tich hinh phang gigi han boi db thi ham sé y = -5x* +5 va truc hoanh la:
A. 4 B.8 C. 3108 D. 6216
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Cau 161: Dién tich hinh phang gisi han boi hai duong y=x*+11x—6 va y = 6x° la:
A. 52 B. 14 C. l D. l
4 2

Cau 162: Dién tich hinh phing gigi han béi hai duong y=x* va y = 4x Ia:

A 4 B.8 C. 40 D. 2048
105
Cau 163: Dién tich hinh phang gisi han boi cac dudong y=2x:; y :ﬁ; x=3 la:
X

A.5-8In6 B.5+8In§ C. 26 D. %
Cau 164: Dién tich hinh phang gigi han béi cac dudng y =mxcosx ; Ox ; x=0;x =n bang 3n. Khi d6 gid tri

cua m la:

A.m=-3 B. m=3 C.m=-4 D.m=43
Cau 165: Dién tich hinh phang gigi han boi cac dudng y=2x-1; y :E; x=3 la:

X
A. 4-6In6 B.4+6Ing C.4;43 D.é
3 24 6

Cau 166: Cho (C) :y = %xs +mx*—2x—-2m —% .Giatri me (0;%} sao cho hinh phang gisi han bai @6 thi

(C), y=0,x=0,x =2c6 dién tich bang 4 Ia:

A.m:—1 B.m:1 C.m:E D.m=—E
2 2 2 2

Cau 167: Dién tich hinh phang gisi han boi y =sin’x+sinx+Ly=0;x=0;x=n/2 la:

AT 8.2 41 c.m p. 2

4 4 4 4

Cau 168: Dién tich hinh phang gisi han boi y =e* —e™;0x;x =1 la:
Al B. e+1—1 C. e+l D.e+£—2
e e e

b) Tinh thé tich:

Cau 169: Thé tich cua khéi tron xoay duoc giéi han bai do thi ham sé f(x) lién tuc trén doan [a;b]truc Ox va
hai duong thangx =a,x = b quay quanh truc Ox , c6 cong thic la:
A. V:Lbfz(x)dx B. V:anfz(x)dx
C.V:nfabf(x)dx D. V:n_[:|f (x)|dx

Cau 170: Goi (H) 12 hinh phang gisi han béi cac duong y =1-x; Ox. Quay (H) xung quanh truc Ox ta

duoc khdi tron xoay ¢ thé tich bang ?

16 g, 167 4 p Am
15 15 3 3
Cau 171: Thé tich khéi tron xoay gidi han boi y=2x—x,y =0 quay quanh truc ox c6 két qua la:
A g 167 c 1an p, 13t
15 15 15
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Cau 172:

Cau 173:

Cau 174:

Cau 175:

Céu 176:

Céau 177:

Cau 178:

Céu 179:

Cau 180:

Cau 181:

Céau 182

Cho hinh (H) gigi han boi cac dudng y = x*; x =1; truc hoanh. Quay hinh (H) quanh truc Ox ta
duoc khdi tron xoay cd thé tich Ia:
AZ B. = c. = D. 2&

5 3 3 5

Thé tich khdi tron xoay sinh ra do quay hinh phang gigi han bai cac duong y = x*, truc Ox, x = -1,
x =1 mot vong quanh truc Ox la :
A B.2n C. 6—n D. 2_Tc

7 7

Goi (H)la hinh phang gisi han bai cac duong: y =sinx;Ox;x =0;x =x. Quay (H) xung quanh
truc Ox ta dugc khéi tron xoay c6 thé tich 1a:
2
A Z B. = C.n D. n°
2 2

Goi (H) lahinh phang gigi han bai cac duong y = tan x; Ox; X =0; X :%. Quay (H) xung quanh

truc Ox ta dugc khéi tron xoay c6 thé tich bang ?

A 1-Z B. ° C.n-= D.L —n
4 4 4
. . 1

Thé tich cua khoi tron xoay dugc gidi han boi cac duong  y=(2x+1)3,x=0, y =3, quay quanh
truc Oy la:
S . 80 ¢ 80 b, 40

7 9 7 7
Thé tich khéi tron xoay gisi han bai y =Inx,y=0,x=1,x =2 quay quanh truc ox c6 két qua la:
A.2n(In2-1)’ B.2n(In2+1)° C.n(2In2+1) D.n(2In2-1)°

2X+1

, truc Ox va truc Oy. Thé tich cua
X+1

Cho hinh phing (H) duoc gigi han boi duong cong (C):y =

khdi tron xoay khi cho hinh (H) quay quanh truc Ox Ia :
A.3n B.4nIn2 C.3-4In2)n D.(4-3In2)n

Goi (H)la hinh phing giéi han bai cac duong: y = 3x —x?;Ox . Quay (H) xung quanh tryc Ox ta

duoc khdi tron xoay cd thé tich Ia:
81 83 83 81

A —=x B. —m C.—n D.—n

11 11 10 10
Thé tich khdi tron xoay giéi han boi y=Inx,y=0,x =e quay quanh truc ox c6 két qua la:
A. e B.n(e-1) C.n(e-2) D.n(e+1)

Cho hinh (H) gi6i han béi cac duong y =+/x ; X = 4; truc hoanh. Quay hinh (H) quanh truc Ox ta
duoc khdi tron xoay cd thé tich Ia:
A T B. 19T C.8m p. 167

2 3 3

: Goi (H)lahinh phang gidi han béi cac duong: y =+/x —1;0x;x = 4. Quay (H) xung quanh truc Ox

ta duoc khéi tron xoay c6 thé tich 1a:
A. Zn B. E11: C. an D. Enz
6 6 6 6
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Cau 183: Thé tich ctia khéi tron xoay duoc gii han béi cac duong y =~/X.cos X +sin? X ,y =0,x = 0, X zg la:

A n(3n—4) 5. TC(5TI:+4) c. Tc(3n+4) D. n(3n+4)
4 4 4 5
Cau 184: Thé tich vat thé quay quanh truc ox gigi han bai y =x3,y=8,x =3 c6 két qua Ia:
AT (3 -9.2%) B.(3'-9.2°) C.2(3"-9.2") p.2n
7 7 7 7

Cau 185: Hinh phang gisi han boi duong cong y = x* va duong thang y =4 quay mot vong quanh truc OXx.
Thé tich khéi tron xoay dugc sinh ra bang :
L 5 128 o 256m 5 1527
5 5 5 5
Cau 186: Goi (H)la hinh phang gisi han bai cac duong: y=3x;y=x ;x =1. Quay (H) xung quanh truc OX

ta duoc khéi tron xoay c6 thé tich 1a:
8n 8r’

A — B. — C. 8rn° D. 8n
3 3

Cau 187: Goi (H)Ia hinh phang gi6i han bsi (C):y = —2Jx:d: y:%x;x =4.Quay (H) xung quanh truc Ox

ta duoc khéi tron xoay c6 thé tich 1a:

A, 80m g, 1i2n p, 167 D. 321

3 3 3

Cau 188: Goi (H )l hinh phang gisi han bsi (C):y = Jx;d:y :%x. Quay (H) xung quanh tryc Ox ta duoc

khdi tron xoay c6 thé tich Ia:
A. 8x g, 107 c.br p. 5%
3 3 15
Cau 189: Goi (H)Ia hinh phang gisi han bsi (C):y=x%d:y=-x+2;0x. Quay (H) xung quanh truc Ox ta

dugc khéi tron xoay c6 thé tich 1a:

A i g. 107 c.Z D. =
21 21 7 3
. ) XZ yz
Cau 190: Thé tich khoi tron xoay khi cho Elip _2+F =1 quay quanh truc ox :
a
A.inazb B.ﬂnab2 C.gnazb D. —Enab2
3 3 3 3

Cau 191: Cho hinh (H) giagi han bai cac duong y = 4 va Y =-X+5. Quay hinh (H) quanh truc Ox ta duoc
X

khdi tron xoay ¢ thé tich Ia:
O 15 33

A — B. —-4In4 C. ——4In4 D.9n
2 2 2

Cau 192: Cho hinh (H) giagi han bai cac duong y=x+1; y= E; x =1. Quay hinh (H) quanh truc Ox ta duoc
X

khéi tron xoay c6 thé tich 1a:

A B B, 1257 c.35n D. 18x

6 6 ) 3
Chuong IV. SO PHUC
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A.LY THUYET VE SO PHUC:
1. Qui wére: S i 1a nghiém cta phuong trinh : x> + 1 = 0. Nhu vay :
2. Pinh nghia : Biéu thirc dang{a + bitrong d6 a,b € Rvai? = -1, goi la sb mot s6 phurc.
Dit z=a+ bi, ta ndi a 1a phan thuc, b 1a phan 4o ctia s6 phic z .
Tap hop cac sb phire goi 1a C
+.Néua=0 = z=bi, diy 12 s6 phirc thudn 40, va néu b =1 thi i goi 12 don vj 4o.
+ Néub=0 = z=a, do d6 s6 thuc ciing 1a s phiac = R = C

3. S6 phire bang nhau: Hai s6 phirc bang nhau néu phan thyc va phan 4o twong (mg cua ching bang nhau.
a=¢C
Tuacla: a+bi=c+di<
b=d

4. Médun ciia s0 phire: Cho s0 phirc z=a + bi, modun ciia s phirc z, ki higu la | z |,

va|z|=|a + bi|=va®+b’
5. S6 phirc lién hop: Cho s phiic z=a + bi, Ta goi s6 phitc: a—bi 1a s6 phirc lién hop cua sb
phtrc z , ki hiéula Z =>Z=a-Dhi

6. Biéu dién s phirc 1én mit phing toa d¢:
Piém M(a,b) trong mit phang toa d6 Oxy goi la diém biéu dién cua s6 phirc z = a + bi
7. Cong, trir va nhan 0 phirc : Cong, trir va nhan ) phtrc dugc thuc hién theo qui tac cong, trir va nhan da
thie. Chuy :i2=-1.
Nhu vay:  + (a+bi)+(c+di)=(a+c)+(b+d)i
+ (@a+bi)—(c+di)=(a—-c)+(b—-d)i
+ (a+bi).(c+di)=(ac—bd) + (ad + bc)i
8. Chia s phiic:
a.Chiiy: Chosdphicz=a+bi,thi: +z+Z=2a , +2zZ=a>+b’

2 A , . a+b Y S S , XA . .
b. B¢ thuc hién phép chia: ta nhan cd to va mau véi so phte lién hop cua mau roi thuc hién phép

c+di
tinh & tir va mau
9. Nghiém phitc ciia phwong trinh bic hai v6i hé sé thye:
a.Cén bdc hai ciia so thwe am :
+ 86 -1¢6 2 can bac hai phirc 1a: -i va i

+Sdaam c6 2 can bac hai phire la: - iy a| vaiy|al
b. Cho phwong trinh: ax> +bx +c=0 véia, b, cthuc vaa =0, cO A=Db*—4ac
+ Néu A >0 : Nghiém phtc ctia phuong trinh 13 nghiém thuc (di hoc)

—b-iy|a| —b+iy| A
2a ?
*Néub=2b’ thi A'=b”?—ac. Khi A’<0 thi pt c6 2 nghiém phc la:

—b'— iy| A" o NI
a

+.Néu A< 0 : Phuong trinh c¢6 2 nghiém phuc la: X, =

Xl:— - N

' a
C. Chu y: Trong tap hop sb phitc moi phuong trinh bac n (mdt 4n) déu c¢6 n nghiém .
B. BAI TAP

1. KHAI NIEM SO PHUC VA PHEP TOAN CONG, TRU VA NHAN SO PHUC
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12;

Cau 13:

Cau 14:

Céu 15;

Céau 16:

Cau 17:

Tim ménh d¢ sai? - 7 7

A. SO phtic z = a + bi dugc biéu dien bang diem M(a; b) trong mat phang phiac Oxy
B. S6 phitc z = a + bi c6 modun 1a v/a? +b?

a=0

b=0

D. S6 phic z =a +bi ¢6 s6 phic déi laz’ = a - bi

Phan thuc va phan ao cua so phac: z=1+2i

C.Séphfrcz:a+bi:0<:>{

A.lva? B.2val C.1lvaz2i D.1vai
Phan thuc va phan ao cua sé phuc: z =1-3i

A.lva3 B.1va-3 C.1lva-3i D.-3val
S6 phac z =—2i c6 phan ao Ia:

A -2 B.-2i C.0 D. 2i

Tim ménh dé dung:

A. Pon vi 40 ¢6 phan thyc 13 1, phan 40 12 0
B. Don vi 40 ¢6 phan thuc 13 0, phan ao 131
C. Pon vi 40 ¢6 phan thyc 12 0, phan 40 12 0
D. Pon vi 40 ¢6 phan thuc 14 1, phan a0 1a 1

S6 phuc lién hop cua s6 phicc z =a +bi 1a s6 phic:

A. z'=-a+hi B.z'=b-ai C.z'=-a-hi D.z'=a-hi
S6 phuc lién hop cua sé phic: z=1-23i 1a s phuc:
A. z=3-i B. z=-1+3i C.z=1+3i D.z=-1-3i.
S6 phuc lién hop cua s6 phirc: z =—-1+2i 1a sé phuc:
A z2=2-I B. z=-2+i C.z=1-2i D.z=-1-2i.
Mo dun cua s6 phirc: z =2+ 3i
A. 13 B. \5 C.5 D. 2.
Mo dun cua s6 phic: z =—1+ 2ibang ?
A 3 B. \5 C.2 D. 1
Cho s phuc z =3—4i, tim khang dinh ding ?
A;3 B.4 C.5 D.-1
SO phic z=4-3i ¢6 mddun la:
A:l B.5 C.7 D.0
So6 phac z=—(1+3i) ¢6 mbédun la:
A. 10 B.- 10 C.V10 D.-+/10
Cho sé phic z=m+(m+1)i. Xac dinh m dé |z|= V13
A.m=1m=3 B.m=3m=2 C.m=2m=4 Dm=2 m=-3
Tim 2 56 thyc a, b biét a—b=—-1 vasé phuc z=a+bi c6 |z|=5
a=3  |a=-4 a=3 _[a=5
A. va B. va
b=4 |b=-3 b=4  |b=6
a=-3  |a=-4 a=3 _[a=4
C. va D. va
b=4 b=-3 b=4 |b=-3
Tim s6 phirc z biét |z|=5 va phan thuc 16n hon phan 40 mét don vi.
A z,=4+3i,z,=3+4i B.z,=-4-3i,z,=-3-4i
C.z,=4+3i,z,=-3-4i D. z,=-4-3i,z, =3+4i

z| =+/20 va phin thuc gap dbi phan 4o.
A z,=2+i,2,=-2-1B. 2,=2-1,2,=-2+1
C.z,=-2+i,2,=-2-I D.z,=4+2i,z,=-4-2i

Tim sb phuc z biét
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Céau 23:

Céu 24:

Cau 25:

Céau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Céau 33:

Cho x sb thuc. Sé phac: z=X(2—i) c6 mo dun bang +/5 khi:

A. x=0 B. x=2 C.x=-1 D.x=—%

Cho x, y la cac s6 thyc. Hai s6 phic z=3+i va z'=(x+2y)-yi bang nhau khi:
AXx=5y=-1 B. x=1y=1 C. x=3y=0 D.x=2y=-1
Véi gia tri nao cua x, y dé 2 s6 phtic sau bang nhau: x + 2i =3—-vyi

A x=2,y=3 B. x=-2,y=3 C. x=3y=2 D.x=3y=-2
Vi gia tri nao cua x,y thi (x+y)+(2x—y)i=3-6i

Ax=-1y=4 B. x=-1Ly=-4 C.x=4y=-1 D. x=4y=1
Cho x, y la cac s6 thyc. S6 phic: z=1+xi+y+2i bang 0 khi:

A x=2y=1 B.x=-2,y=-1 C. x=0,y=0 D. x=-1y=-2
Diém biéu dién s phirc z=1-2i trén mat phiang Oxy c6 toa do la:

A. (L-2) B. (-1-2) C. (2-1) D. (2,1)

Sé phiic z=3+4i co diém biéu dién Ia:

A. (3,-4) B.(3;4) C. (-3-4) D. (-3;4)

Cho sé phirc z = 6 + 7i. Sb phuc lién hop cia z c6 diém biéu dién la:

A.(6;7) B.(6;-7) C.(-6;7) D (-6; -7)

Cho s6 phirc z =2014 + 2015i. So6 phuc lién hop cua z c¢6 diém biéu dién la:

A. (2014; 2015) B.(2014,-2015)  C.(-2014;2015)  D. (~2014;-2015)

Tim ménh dé sai ?

A. DBiém biéu dién cua sé phuc z = 2 14 (2,0)

B. biém biéu dién cua sb phic z = -3i 14 (0,-3)

C. Biém biéu dién cua sé phuc z = 0 1a géc toa do.

D. Biém biéu dién cua don vi 4o la (1,0)

Goi A 1a diém biéu dién cua sé phtc z =2 + 5i va B 1a diém biéu dién cua sé phuc
2’ = -2 + 5i. Tim ménh dé dung trong cac ménh dé sau:

A. Hai diém A va B ddi xang véi nhau qua truc hoanh

B. Hai diém A va B dbi xing véi nhau qua truc tung

C. Hai diém A va B d6i xting véi nhau qua gbc toa do O

D. Hai diém A va B ddi xing v6i nhau qua duong thang y = x

Goi A 1a diém biéu dién cua sé phtic z =3 + 2i va B 1a diém biéu dién cua sé phuc
z’ = 2 + 3i. Tim ménh dé dung trong cac ménh dé sau:

A. Hai diém A va B ddi xang véi nhau qua truc hoanh

B. Hai diém A va B dbi xirng véi nhau qua truc tung

C. Hai diém A va B d6i xing véi nhau qua gbc toa do O

D. Hai diém A va B ddi xing v6i nhau qua duong thang y = x

Diém biéu dién ciia cac s6 phuc z=7+bi véi be R, nam trén duong thang c6 phuong trinh l:
A x=7 B.y=7 C.y=x D.y=x+7

Diém biéu dién hinh hoc ciia s6 phirc z =a+ai nam trén duong thang:

A.y=X B. y=2x C.y=-X D. y=-2x

Diém biéu dién cua cac s6 phiic z=n—ni véi n e R, nam trén duong thang c6 phuong trinh 1a:
A y=2X B. y=-2x C.y=x D.y=-X

Cho sé phuc z=a+a’i véi aeR . Khi dé diém biéu dién caa sé phic lién hop cia z nam trén:
A. buong thangy = 2x B. buong thang y =-x+1

C. Parabol y = x* D. Parabol y = —x?

2. CAC PHEP TOAN VE SO PHUC

Cau 34:

Thu gon z=(2+3i)(2-3i) ta duoc:
A z=4 B.z=13 C. z=-9i D. z=4-9i
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Cau 35:

Cau 36:

Céau 37:

Cau 38:

Céau 39:

Cau 40:

Cau 41:

Cau 42;

Cau 43:

Céau 44:

Céau 45;

Céau 46:

Cau 47:

Cau 48:

Céau 49:

Thu gon s6 phtc i(2—i)(3+i) , ta duoc:
A. 2+5i B.1+7i C.6 D. 7i

S6 phuc z = % bang:

A8 g 9y 0 2 1,
17 17 15 15 5 5 25 25
Thuce hién phép chiasau z =% duoc két qua?
A. z:i+1i B. z:l+ii C. z=i—li D. z=1—ii
13 13 13 13 13 13 13 13
Thu gon s6 phuc z = 3+2_' + 1_|_ ta duoc:
1-i 3+2i
Az= £+ﬂ| B.z= —3+§i C.z= E+§| D.z= —+£
26 26 26 26 26 26 13 13

Cho sé phuc z = -%+§i . S6 phac 1 + z + 72 bang:
PRSP B.2- 3i C.1 D. 0

2 2

, 2 ,

Thu gon sb phirc z = (\/§+3i) , ta duoc sb phuc:
A. —7-64/2i B.—7+6+/2i C. 7+642i D. 11+ 6+/2i
Cho sé phuc z =—%+§i . Khi d6 s6 phiic (E)Z bang:
A L V3 g 1,93, C. 1++/3i D. \3-i

2 2 2 2
S6 phac z=2-3i thi Z° bang:
A.—46-9i B. 46 +9i C. 54-27i D. 27 + 24i
Tinh s phuc sau: z=(1+i)"
A.z=128-128i B. z=128+128i C. z=-128+128i D. z=-128-128i
Sé phtic nghich dao cua s phic z=1-+/3i 1a:

: l:l-irﬁi B.£:1+£i C.l=1+\/§i D.£=—1+\/§i
z 2 2 z 4 4 z z

Tim hai s6 phtc biét rang tong ctia chiing bang 4 —i va tich cta chiing bang 5(1-1i). Pap s6 cua bai
toan la:

A z,=3+1,2,=1-2i B.z, =3+2i,z,=5-2i
C.z,=3+i,2,=1-2i D.z=1+i,z2=2-3i
Trong C, phuong trinh iz + 2 - i = 0 ¢6 nghiém la:
Az=1-2i B.z=2+1 C.z=1+2i D.z=4-3i
Tim s6 phirc z théa: (3—2i)z+(4+5i)=7+3i
Az=1 B.z=-1 C.z=i D.z=-i
Trong C, phuong trinh il =1-1i cd nghiém la:

zZ+
Az=2-i B.z=3+2i C.z=5-3i D.z=1+2i
Giai phuong trinh sau tim z : 423_+2—3i=5—2i

—ol

A z=27+11 B. z=27-11 C.z=-27+11 D. z=-27-11i
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Cau 50:

Cau 51:

Céau 52:

Céau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

Cau 65:

Nghiém cua phuong trinh (4+7i)z—(5-2i) = 6iz la:

A E—Ei B.B—Ei C. _—18+Ei D. §+Ei
7 7 17 17 7 17 17 17
Trong C, Phuong trinh (2+3i)z=2z-1 c6 nghiém la:
A.z:1+ii B.z:—i+ii C.z:g+§i D.z:E—gi
10 10 10 10 5 5 5 5
Nghiém cua phuong trinh (4+71)z—(5-2i) =6iz la:
INE g. 28 _13; c. 18,5 p. 28,13
7, 7 ZL? 17 7 17 17 17
Tim s6 phuec lién hop cua so phirc z thda : (1+3i)z—(2+51) =(2+1)z
A z=8.3 B z=2_9; c.7=-8.5 D.z=-3_9;
5 5 55 5 5 5 5
Cho s phirc z thoéa man: (3+2i)z + (2—1)? = 4 +i. Hiéu phan thuc va phan 4o cua s6 phic z Ia:
Al B.0 C. 4 D.6
Phuong trinh (2 - i)z - 4 = 0 c6 nghiém la:
A.zzﬁ—ii B.zzi—gi C.z:g+§i D.z:Z—Ei
5 5 5 5 5 5 5 5
Tap nghiém cua phuong trinh (3—i).z-5=0 la:
A.z:§+1i B. z:g—ii C. z:—§+ii D. z:—E—li
2 2 2 2 2 2 2 2
Tim sb phuc z biét rang éz ! —— 1_ -
Z 1-2i (1+2i)
A Z:E+3—5i . Z:£+Ei C. z=£+£i D. Z:E—Ei
13 26 25 25 25 25 13 25
Trong C, phuong trinh (iz)(z - 2 + 3i) = 0 ¢6 nghiém la:
Z=i z=2i Z=-i z=3i
A. _ B. _ C. _ D. .
z=2-3i z2=5+3i z=2+3i z=2-5I
Cho s6 phuc z théa man diéu kién 2z—iz = 2+5i . S6 phuc z can tim la:
A.z=3+4i B.z=3-4i C.z=4-3i D.z=4+3i
Tim sé phtic z, biét: (3—i)z—(2+5i)z=-10+3i.
A z2=2-3i B.z=2+3i C.z=-2+3i D.z=-2-3i
Tim sé phtic z, biét: (2—i)z—(5+3i)z=-17+16i.
A.z=3+4i B. z=3-4i C.z=-3+4i D. z=-3-4i
Cho s6 phuc z thoa man diéu kién z+(2+i)z = 3+5i . Phan thuc va phan ao cua zla:
A.2va-3 B.2va3 C.-2va3 D.-3vaz2.

Gia tri cua: i'%® + i + %0 — i*a;

A.2 B.-2 C. 2i D.-2i
=2017
Tinh z:1+I .
2+1
AL B 1.3 c. 1.3 p. 3_%
5 5 5 5 5 5 5 5

X . . 1
Trén tap so phuc, tinh ——
[

A B. -i C.1 D. -1
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Cau 66:

+2016

S6 phiic lién hop

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

S6 phuc z = —la s6 phirc nao sau day?
+2i)
3.4, 8.4, 3_4;

25 25 25 25 25 25
Cho s0 phirc z = a + bi . S6 z+7Z luon Ia:
A. SO thuc B. So thuan ao C.0
Cho s6 phirc z = a + bi voi b # 0. S6 z—Z Iudn la:
A. SO thuc B. So thuan ao C.0

Cho s phuc z = a + bi. Tim ménh dé dung trong cac ménh dé sau:
A.z+ z =2bi B.z-z=2a C.zz=a*-p

Cho sé phiic z=a +bi. Khi d6 s6 %(zﬁ) la;

A a B. 2a C. Mot sb thuan ao
S6 phirc z=(1+3i)(2-1i) c6 s6 phic lién hop la:
A. Z=5+5i B.Z=5-5i C. Z=-5+5i
S6 phtc z=(2+3i)° ¢6 sb phuc lién hop Ia:
A. Z=6+9i B.Z=6-9i C.Zz=-46-9i
S6 phirc z=i—(5-1)(2+4i) c6 s6 phuc lién hop la:
A.7Z=-14+17i B. Z=-14-17i C. Z=14+17i
S6 phuc z = % c6 sb phuc lién hop 1a:
A. Z=3-2i B. 7=Z+1i C. 7=—Z——I
2 2

. 1-i ., L a R
So phuc z =1—!—3+4I 6 so0 phuc lién hop la:
+i

A . Z=-3

B.Z=-3i C.z2=-3+3i

Phan thyc va phan ao ciaa sé phic

Cau 76:

Cau 77:

Cau 78:

Cau 79:

Cau 80:

Cau 81:

Cho s6 phirc z=i(2~1i)(3+1i). Tim phan thuc va phan 4o cta sb phuc z.
A lva7 B. 1vavi C.-1lva7
Phan thyc va phan 4o s6 phuc: z=(1+2i)i lan luot Ia :

A -2Vva i B. -2val C.1va-2i
S6 phuc 2:4—3i+2+g! c6 phan thuc va phan ao lan luot 13
+ 0l
3w 3 EE Y
" 15" 15 " 1515 " 15 ' 15

. 2 5 . .
Cho so phuc z= (ﬁ+3i) . Tim phan thyc va phan ao cua s6 phic z.
A. 7 va 6+2i B. 7 va 642 C.—7 va 62

Cho sé phac z =2—-3i. Tim phan thuc va phan 4o cua sé phac z° 12?2
A. 46 va -9i B. —46 va-9i C. 46 va-9i
S6 phue nao sau day 1a sé thuc:
1-2i 1+2i 1+2i 1-2i
Z="—— 7=,
3-41 3-4i 3—-4i 3+4i
C.z:l_ZI_—1+2|_ D.z:1+2|_—1_2|_
5-4i 3+4i 3—-4i 3+4i

=4,
25 25
D.2
D.i
D.|2%| =|z*
D. i
D. Z=-5-5i
D. Z=-46+9i
D. Z=-17i
D.7=Z——I
2
D.Z=-3-3i
D.-1 va 7i
D.2val
ir 17
15" 15
D. 7 va 6y2i
D.-46 va -9
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Cau 82:

Cau 83:

Cau 84:

Cau 85:

Céau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cau 92:

Céau 93:

Cau 94:

Cau 95:

Céau 96:

Cau 97:

Cho sb phitc u=a+bi va v=a'+b'i . S6 phtc u.v c6 phan thuc la:
A a+a' B. aa' C.aa'-bb’ D. 2b.b’

Cho hai sé phiac z=a+bivaz’ =a’ +b’i. Sé phuc i c6 phan thuc la:
z

aa'+bb’ aa'+bb' a+a' 2bb’
S at+b? "a?+b” " a’+b? "a?+bh®
Cho s6 phirc z = a + bi. Sé phtc z? ¢6 phan thyc 13
A. a2+ Db? B.a?-b? C.a+b D.a-b
Cho sé phirc z = a + bi. Sé phtc z2c6 phan ao la :
A.ab B. 2a’b’ C. a’b’ D. 2ab
Cho hai sé phic z=a+hbi va z'=a'+b'i . S6 phicc zz' ¢6 phan thuc la:
A a+a' B. aa’ C. aa'-bb' D. 2bb’
Cho hai sé phic z=a+bi va z'=a'+b'i . S6 phuc zz' ¢6 phan 4o la:
A. aa'+bb' B.ab'+a'b C.ab+a'b’ D. 2(aa'+bb")
Cho hai s6 phirc z=a + bi va z” = a’ + b’i. Diéu kién dé zz’ 1a mot s6 thuc 1a:
A.aa’+bp’:0 B.aa’-bb’=0 ‘C.ab’+a’b:0 WD.ab’—a’b:’O‘
Cho hai s6 phtrtc z=a+bi va z'=a'+b'i. Biéu kién gittaa, b, a’, b’ dé z.z' la mot s6 than 4o la:
A.aa'=bb’ B. aa'=-hb' C.a+ra'=b+b’ D.a'+a'=0
Cho hai sé phicc z=a+bi va z'=a'+b'i. Piéukién gittaa, b, a’, b’ dé z+z' 1a mot s6 thuc la:
{a,a'eR {a+a'=0 {a+a':0 {a+a'=0
A. B. C. D.
b+b'=0 b,b'eR b=b' b+b'=0

Cho hai s6 phicc z=a+bi va z'=a'+b'i. Piéu kién gitraa, b,a’, b’ dé z+z' 1amot sb
thuan 4o la:

a+a'=0 a+a'=0 a+a'=0 a+a'=0
A. B. C. D.

b+b'=0 b,b'eR b=b' b+b'#0
Cho s6 phirc z = a + bi = 0. S phuc 1 phan thuc Ia:

z
a —-b
A.a+b B.a-b C.—— D.———
a’ +b? a’ +b?

Cho s phuc z = a + bi = 0. S6 phuc % c6 phan 40 13 :

A. a2+ b2 B. a2 - b? . D. 2
) q o a‘+b a“+b
Cho s6 phitc z = a + bi. DPé z3 1a mot s6 thuan 4o, diéu kién cua a va b la:
a=0vub=0 az0vub=0
A ab=0 B. b? = 3a2 : H ) ) : H2 )
a=0vpa“ =3b b-vpa®=b
Cho sé phicc z = x + yi # 1. (x, y € R). Phan 4o cua s6 Z—+i la:
A2 B C.—Y—  D—
(x-1)"+y? (x-1)"+y? (x-1)"+y? (x-1)"+y?
Cho s phuc z théa man (1+i)?(2—i)z =8+i+ (1+2i)z. Phan thyc va phan ao cua z la:
A .2;3 B.2;-3 C.-2;3 D.-2;-3
Cho sé phicc z=x+Yyi (z#1; X,yeR).Phan ao cua sb phic LA
A e oY p XV
(x-D)"+y (x-1)"+y (x-D)"+y (x-D)"+y
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Cau 98:

Cau 99:

M6 dun

Céu 100:

Céu 101:

Céu 102:

Cau 103:

Céu 104:

Cau 105:

Cau 106:

Cau 107:

Céu 108:

Céu 109:

Céu 110:

Cau 111:

Cau 112:

Céu 113:

Cho (x+2i)2 =yi(x,yeR).Gidtriciaxva y la:

A.x=2 y=8hoic x=-2 y=-8 B. x=3,y=12 hoac x=-3, y=-12
C. x=1,y=4hoac x=-1 ,y=-4 D. x=4,y=16 hoac x=4, y=16
Cho (x+2i)2 =3x+yi(x,yeR).Gidtricia xva y la:
A x=1,y=2hoac x=-1,y=-2 B.x=-1, y=-4 hoiac x=4, y=16
C.x=2 ,y=5hoiac x=3, y=-4 D. x=6, y=1hoac x=0,y=4
Cho s phuc z thda mén: z+5=0. Khi d6 z c6 modun la:
A.0 B. /26 C.\5 D.5
S phirc z=4+i—(2+3i)(1-i) c6 modun la:
A.2 B.0 C.1 D.-2
S6 phac z=(1-1)? c6 mddun la:
A0 B.1 C.2 D.4
S6 phiic z=(1+i)’ c6 m6 dun bang:
A.lz|=2V2 B. [z|=+2 C.z=0 D. z=-22
Cho sb phirc z =3+4i . Khi d6 modun cua %Ié:
A L B L c 1 p 1

J5 5 4 3
Cho hai s6 phitcc z=2+3i va z'=1—2i. Tinh médun cua s phiac z+z' .
Alz+z|=+10 B.|z+2]=2V2 C.lz+z1]=2 D. |z+2]=2J10
Cho hai s6 phiac z=3—-4i va z'=4-2i. Tinh mddun cua s6 phic z—z" .
A |z-z|=+3 B.lz-z]=+5 C.|z-z|=1 D. Két qua khac
Cho sb phic: z=+/2 +i~/3 . Khi d6 gié tri |z.E| la:
Al B.2 C.3 D.5
Cho hai s6 phuc: z, =1+2i, z, =-2-i Khi d6 gia trj |z,.7,| |&:
A.5 B. 2.5 C.25 D.0
Cho hai s6 phic: 2, =6+8i, z, =4+3i Khi do6 gid tri [z, -7,| la:
A.5 B.+/29 C.10 D.2
Cho hai s6 phuac z, =1+1i,z, =11, két luan nao sau day 1a sai:
A. z—lzi B.z,+2,=2 C.|z,2,|=2 D. |z,~27,|=V2

2
Cho s6 phirc z thoa man: Z(1+ 2i) = 7+ 4i . Tim mo dun s6 phiic ® =2z +2i.
A. 4 B. V17 C. 24 D.5
Cho sé phirc z théa méan diéu kién 2z +3(1—i)z =1-9i. Médun cta z bang:
A.13 B. /82 C.\5 D. 13.

A ’ z A 5 A - A \ 2\/g . y A 5 \

Cho s6 phuc z ¢6 phan ao gap hai phan thuc va |z +1) = Khi d6 mé dun cua z Ia:
A. 4 B.6 C. 245 D.?
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Cau 114:

Cau 115:

Cau 116:

Céu 117:

Cau 118:

Cau 1109:

Céu 120:

Céu 121:

Céu 122:

Cau 123:

Tim sb phirc z thoa mén: |z—(2+i)[=+10 va zz=25.
A.z=3+4i hoic z=5B. z=-3+4i hoac z=-5

C. z=3-4i hoac z=5 D. z=4+5i hoac z=3
Cho s6 phicc z=a+bi . Tim ménh dé dung:
A. Z+2 = 2bi B.z-z=2a C.zz=a%-b? D.|ZZ|=|Z|2
z , 1+i 1-i p X ~ £ ~ \ ,
Cho so phic z =T+r. Trong cac ket luan sau két luan nao dang?
i 1+i
A zeR. ‘ B. zlaso thuando. o
C. M6 dun cua Z bang 1 D.z c¢6 phan thyc va phan ao déu bang 0.
— i 3

Cho s phirc z théa mén: Z = alﬂ Tim mdédun cia Z +iz.

—i
A.8\2 B. 42 C.8 D. 4
Tim s6 phuc z , biét : |z|+z =3+4i
A z=—1+4i B. z:—z—4i C. z=z—4i D. z=-7+4i

6 6 6
Cho s6 phirc z ¢6 phan thyc 12 s nguyén va z théa man: |z|— 2z = —7 +3i+z .Tinh modun cua s6
phuc: w=1-z+7°.
A. |w|=~/37 B.|w| =+/457 C. |w|=+/425 D. |w|=+/445
Piém biéu dién, tap hop diém biéu dién sé phic

Diém biéu dién sb phuc z :% co toa do la

+
A. (1;-4) B. (-1:-4) C. (1:4) D. (-1;4)
Diém biéu dién cua sb phirc z = % la:
A (2 -3) B[22 C.(3-2) D. (4 1)

13 13
« R =2 =X A , 3+4| 7 A XX

biem M biéu dién s6 phiac z :iZT cOtoaddla:
A. M(4;-3) B(3;-4) ‘ C.(34) ) D(4;3)
Trong mat phang phuc, goi A, B, C lan luot 1a diém biéu dién cac so phuc
z,=-1+3i;z, =1+5i;z, =4+i. S6 phiic biéu dién diém D sao cho t giac ABCD la mét hinh binh
hanh la:
A.2+3i B.2-i C.2+3i D. 3 +5i
Tap hop céc diém trong mat phang bicu di&n cho s6 phuc z thoa man diu kién |z—i|=1 la;

Cau 124:

Céu 125:

Cau 126:

Cau 127:

A. Mot duong thang  B. Mot duong tron C. Mot doan thang D. Mat hinh vudng

Tap hop céc diém trong mat phang bicu dién cho s6 phic z thoa man diu kién |z -1+ 2i|=4 la:

A. Mot duong thang  B. Motduongtron — C. Mot doan thang D. Mt hinh vuéng ‘
Gia st M(z) 1a d@iém trén mat phang phtrc biéu dién so phac z. Tap hop cac diem M(z) thoa man diéu
kién sau day: [z—1+i| =2 1a mot duong tron:

A. C6 tam (-1, —1) va ban kinh 12 2 B. C6 tam (1; —1) va ban kinh la v2
C. C6 tam (-1 1) va ban kinh la 2 D. C6 tam (1; —1) va ban kinh la 2
Gia sir M(z) 1a diém trén mat phang phuc biéu dién sé phirc z. Tap hop cac diém M(z) thoa méan diéu

Kién sau day: |2+Z| = |1—i| la mot duong thiang co phuong trinh la:
A. —4x+2y+3=0 B.4x+2y+3=0 C. 4x-2y-3=0 D. 2x+y+2=0
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Cau 128:

Cau 129:

Cau 130:

Tap hop cac diém nam trong mat phang phic biéu dién céc sé phic z thoa méan diéu kién sau day: |z
+ z +3|=4 14 hai dudng thang:

A. x:1 va x:Z B. x=—l va x:—Z C. x:l va x:—Z D. x:—l va x:Z
2 2 2 2 2 2 2 2

Tap hop cac diém nam trong mat phang phic biéu dién cac s6 phirc z thoa man diéu kién sau day: |z
+ z + 1 -i| =2 1a hai dudng thang:
1+43 . 1-3 “1-43 . 1-3
A y= va y=——- B. v= vay=—"-
y 2 y 2 y 2 y 2
C. y:1+2\/§ va y:_1+2\/§ D. Két qua khéc
Tap hop céc diém trong mét phang biéu dién s phic z théa man diéu kién z* 1a mot s6 thuc am la:
A. Truc hoanh (trur goc toa do O) B. Buong thang y = x (trir goc toa d6 O)
C. Truc tung (trir gbc toa do O) D. Puong thang y = —x (trir gbc toa do O)

3: PHUONG TRINH BAC HAI VOI HE SO THUC

Céu 131:

Cau 132:

Cau 133:

Cau 134:

Cau 135:

Céu 136:

Cau 137

Cau 138:

Can bac hai cua -1 la:

A -1 B.i C. —i D. i
S6 phuc —J/3i 1a cin bac hai cia sb phirc nao sau day:

A. —1-2i B. 2i+1 C.-3 D. -3
Trong C, cho phuong trinh bac hai az? + bz + ¢ =0 (*) (a = 0).

Goi A = b? - 4ac. Ta xét cac ménh dé:

Néu A 1a s6 thuc 4m thi phuong trinh (*) vo nghiém
Néu A= 0 thi phuong trinh c6 hai nghiém sb phan biét
Néu A = 0 thi phuong trinh c6 mot nghiém kép

Trong c4c ménh dé trén:

A. Khéng c6 ménh dé nao ding B. C6 mot ménh dé ding
C. C06 hai ménh dé dtng D. Ca ba ménh d¢ déu diung
Phuong trinh 2> +2z+3=0 ¢6 2 nghiém phirc la :
A. 21:—1—\/5,22:—1+\/§ B.zl:—l—\@i,zzz—lJr\@i
C. z,=-1++2i, 2, =1+/2]i D. 2, =1-+/2i, z, =1+/2i
Phuong trinh 2z° +z+5=0 ¢6 2 nghiém phirc la :
A L 39 1 39, g L 39, 1 439
4 4 4 4 4 4 4 4

c 1 V39, 1 439, o 139, 1 39,

4 4 4 4 4 4 T4 4
Nghiém cta phuong trinh 2z° +3z+4 =0 trén tap sb phirc
A Zl:—3+\/§|;22:—3—\/§| B.21:3+\/§|;22:—3—\/ﬁl

4 4 4 4
C. 21=—3+«/2_3|;22=3—\/2_3| D. Zl=3+\/2_3|;ZZ=3—«/2_3|
4 4 4 4

: Phuong trinh bac hai voi cac nghiém: z, :#, z, :% la:
A.72-22+9=0 B.322+2z+42=0 C.22°2+3z+4=0 D.z?°+2z+27=0
Phuong trinh z2 + 4 =0 ¢c6 nghiém Ia:

z=2i z=1+2i z=1+i z=5+2i
A. B. . C. . D. )

z=-2i z=1-2i z=3-2i z=3-5i
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Céu 139:

Cau 140:

Cau 141:

Cau 142:

Cau 143:

Céu 144:

Cau 145:

Cau 146:

Cau 147

Cau 148:

Cau 149:

Cau 150:

Cau 151;

Cau 152:

Cau 153:

Goi z, VA& 7,lan luot la nghiém cua phuongtrinh: z° —2z+5=0. Tinh |z,|+|z,|

A.2\5 B. 10 C.3 D.6

Goi z, VA z,lan luot 1a nghiém cua phuongtrinh: z2 +2z+10=0. Tinh |zl|2 +|zz|2

A. 15 B.20 C. 100 D. 50

Goi z, vaz, la cac nghiém cta phuong trinh z2—2z+5=0. Tinh P =2; +2;

A.-14 B.14 C.-14i D. 14i

Cho sé phtc z ¢6 phan 4o am va théa man z2 —3z+5=0. Tim mo dun ctia sé phiic; ® = 22 —3++/14
A. 4 B. V17 C. 24 D.5

Tim hai sb phirc ¢6 tong va tich lan luot 13 -6 va 10.

A.-3—iva —3+i B. -3+2i va—-3+8i

C. —5’+2i va —1-5i , D. 4+4iva 4-4i

Cho s6 phuc z=2+3i va Z la so6 phuc lién hop cua z. Phuong trinh bac hai nhan z va Z 1am nghiém

la:

A.z°-4z+13=0 B. 2 +4z+13=0 C.z°-4z-13=0 D. 2 +4z-13=0

Cho sé phuc z =3+4i va Z la sé phic lién hop ciia z. Phuong trinh bac hai nhan z va Z lam nghiém
la:

A.22-62+25=0 B. z2+6z-25=0 C. 22—62+gi=0 D. 22—62+%=0

Cho phuong trinh 7% + bz + ¢ = 0. Néu phuong trinh nhan z =1+i lam mét nghiém thi b va ¢ bang
(b, ¢ 1a s6 thuc) :
A.b=3,c=5 B.b=1c=3 C.b=4,c=3 D.b=-2,c=2
: Cho phuong trinh 2 +az?+bz+c=0.Néuz=1+ivaz=2lahai nghiém cta phuong trinh thi a, b,
¢ bang (a,b,c la so thuc):
a=-4 a=2 a=4 a=0
A<b=6 B. {b=1 C.{b=5 D.<b=-1
c=-4 c=4 c=1 c=2
S6 phac —2 1a nghiém caa phuong trinh nao sau day:
A. 7°+22+9=0 B.z*+72°+10=0  C.z+i=-2-i(z+1) D.2z-3i=5-
Trong C, phuong trinh z*® +1=0 c6 nghiém la:
+i +i +i
A -1 g 1 113 c._1; 5EIV8 p._1; 213
2 4 2
Goi z, Vva z,la cac nghiém cua phuong trinh z+i =-1.Giatricta P=2>+Z la:
z
A.P=0 B.P=1 C.P=2 D.P=3
Biét s6 phtic z thoa phuong trinh Z+£—1 Giatricua P=z"" + o &
z z
A.P=0 B.P=1 C.P=2 D.P=3
Tap nghiém cta phuong trinh z* —2z° -8 =0la:
A {—2; V2; - 2i; 2i B.{~V/2i;/2i;- 2; 2|
C. {-2; 2,—4i,4i} D. {-2; 2; —4i;4i}
T4p nghiém cua phuong trinh : (z° +9)(z*—z+1) =0 la:
A. 1_£| 1 +£| B. 1+£|
2 2 2 2 2
C. —3;1+@ =3i; 3i; ——ﬁ —ﬁ
2 2 2 2 22
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Cau 154: Goi Z, VA Z, 14 cac nghiém cia phuong trinh z2 —2z+10=0. Goi M, N, P lan luot 1a cac diém bicu

dién cua z,,z, va s phac k=x+yi trén mat phiang phtrc. Bé tam giac MNP déu thi s6 phirc k Ia:

A.k=1++/27 hay k=1-+/27 B. k =1+~/27i hay k =1—-+/27i
C. k=27 i hay k =+/27 +1 D. Mot dap sé khac.

Cau 155: Hay chon mot dép an 1a nghiém cua phuong trinh sau trén tap sé phac 2z* +3z2 —

A z=tz=-Lz=,[-2,=—]|— B.z,=lz,=-1 z,= |-, z,
i = f
) 5. 5.
C.z=1Lz=-2,=,]—1, 2,=—,|—I Dz—lz_lz_flz_—\/i
1 2 3\/; 4 \/; 2

Cau 156: Phuong trinh z° +|z| =0 c6 méy nghiém trong tap s6 phuc:
A. C6 1 nghiém B. C6 2 nghiém C. C6 3 nghiém D. C6 4 nghiém

Cau 157: Goi z,1a nghiém phtic ¢6 phan a0 &m ciia phuong trinh z2 +2z+3=0. Toa do diém M biéu dién s6
phuc z, la:
A. M(~12) B. M(~1-2) C.M(-1,—/2) D. M(-L—/2i)

Cau 158: Goi Z, VA Z, 1a cac nghiém caa phuong trinh z2 —4z+9=0. Goi M, N 14 cac diém biéu dién cua
Z, VA z, trén mat phang phirc. Khi d6 do dai cua MN Ia:
A. MN =4 B. MN =5 C. MN=-2\6 D.MN =245

Cau 159: Goi z, VA Z, 1a cac nghiém cia phuong trinh z2—4z+9=0. Goi M, N, P lan luot la cac diém biéu
dién cua z,,z, vasé phac k =x+iy trén mat phang phtic. Khi d6 tap hop diém P trén mat phang
phirc dé tam giac MNP vuéng tai P 1a:
A. Puong thing c6 phuong trinh y =X —/5
B. La dudng tron ¢é phuong trinh X* —2x+y*—-8=0
C. La dudng tron c6 phuong trinh X* —2x+Yy* =8 =0, nhung khong chira M, N.
D. La dudng tron c6 phuong trinh X* —2X+Yy® —1=0, nhung khong chira M, N.
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PHUONG PHAP TQA PO TRONG KHONG GIAN

I. KIEN THUC CAN BAN
1. Toa d¢ cuaa véc to va toa do cua diem
-Véctou=(Xy;z) < U=xi+Yy]j+zK
-Piém M =(x;y;z) < OM =xi+Yy]j+zk
- Véc to 0=(0;0;0)
-Diem A=(X,;¥YaiZ4); B=(XgiVe:25)iC=(Xc:YeiZe ) thi

AB = (X5 = Xu; Ys — YaiZg —Z4) VA AB :|ﬁ|:\/(xB _XA)2 +( Ve _yA)Z +(z, _ZA)2

- Toa d6 trung diém | ciia AB: x, = XA;XB Y, = yA;yB 12, = ZA;ZB
- Toa d¢ trong tdm G cua tdm giac ABC:
XA+XB+XC. yA+yB+yC. ZA+ZB+ZC
XG:—l G:—’ZG:—
3 3 3
2. Cac phép toan
Cho u=(xy;2); Q:(x';y';z')thi
X=X

- ﬁiﬁz(xix';yiy';ziz'); ku=(kky;kz); u=vesy=y

X = kx
- U cung phuong véi Ve U=kv <<y =ky @L:l:i(x'.y'.zl ;tO)
, X Z
z=kz

3. Tich vo hwdng va tich c6 huwéng cia hai véc to

Trong khong gian Oxyz cho u=(x;y;z); v=(X;y;7)
3.1.Tich v6 hwéng chaa hai véc to
- Pinh nghia: Tich vo huéng cia hai véc to 1a mot s6: UV = |ﬁ| .|\7|.cos(ﬁ, )
- Biéu thic toa dg: UV=XX +Yy.y +2.2; ULV uv=0< XX +y.y +2.2 =0

- Dé dai véc to: |ﬁ| =X+ Yy +7°

uv XX +Y.y +2.2
|u|.|v| X+ + 22X+ y? 427

- GOcC gitta hai véc to: COS(G,V)

3.2.Tich ¢6 huwdng cua hai véc to
- Dinh nghia: Tich c6 hudng cua hai véc to 1a mét véc to va dugc tinh nhu sau

[ﬁ \7] :L y z x| |x
- Tinh chat:

o [uv]Lufuv]Ly #

o u cung phuong véi Ve [ﬁ,\?] =0

z X

. .‘:(yz—yz, X — 2% xy - Xy)
Xy

- Ung dung ciia tich c6 huong:
o u,v,w ddng phing [ﬁ,ﬂ w=0 (*) (bavéc to cb gia song song hodc ndm trén mot mat phang).
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0 Uu,v, w khong ddng phing [ﬁ,\?] w=0 (%),
o Béndiém A, B, C, D ddng phing < [ﬁ A—C]ﬁ =0 () (bbn diém nam trén mot mat phang).
o Béndiém A, B, C, D khong ddng phing < [E E}ﬁ £0 (%) (bdn dinh cua mot tu dién).

o Dién tich hinh binh hanh: S, = AB,AD | (+)

o ., lr— = —2—2 — ——\2
o Dién tich tam giéac: SAABczz‘[AB,AC] (*); Spec =4/AB .AC —(AB.AC)

o Thé tich khéi hop: V :‘[ﬁ,ﬁ].ﬁ‘ ()

ABCD.ABCD'
o Thé tich ta dién: Vg =%‘[E,E].ﬁ‘ (*)
4. Phuong trinh mit ciu
Dang 1: (x—a)2 +(y—b)2 +(z—c)2 =R? (1) , mat cau tam I(a; b; ¢) va ban kinh R.
Dang 2: x* +y® +2° —2Ax—2By—-2Cz+D =0 (2), véi diéu kien A?+B*+C*-D>0Ia

phuong trinh mat ciu 6 tam I(A; B: C) va ban kinh R=+/A?+B2+C?-D.
. Phwong trinh mit phang

N

Véc to n =0 vudng goc véi mat phing (er) dugc goi 1a VTPT ciia mat phiang ().

= Néu u,v 1a hai véc to khong cung phuong c6 gia song song hodc nam trén mat phang (a)thi [ﬁ,ﬂ =n la
mot VTPT ciia mét phang («).

= Néubadiém A, B, C khong thing hang thi [ﬁ E] =n lamot VTPT cua mat phing (ABC).

= Matphang () di qua diém M, (X,; Yo;Z,) V& €0 VTPT n=(A;B;C) c6 phuong trinh
A(X—=%,)+B(y—-y,)+C(z—12,) =0 (*%).

= Phuong trinh dang Ax+By+Cz+D =0 dugc goi 1a phuong trinh tong quéat caa mat phang véi VTPT
n=(AB;C).
6. Phwong trinh dwdng thang
= Vécto U=0 co gia song song hoic tring véi duong thing A dwoc goi 12 VTCP cia duong thing A.
= Puong thang A di qua diém M, (Xy; Vo;2,) VA €O VTCP u =(a;b;c), khi do
X =X, +at
+ Phuong trinh tham s6 12 < y =y, +bt ;(t € R), t goi la tham so.
Z=17,+cCt

+ Phuong trinh chinh tac Ia: X=% _ y_byo Ik (abc =0).

a c
= Néu hai mit phang (ar):Ax+By+Cz+D=0va (3):Ax+By+Cz+D =0 giao nhau thi
Ax+By+Cz+D=0

, , , , duoc goi 1a phuong trinh tong quat cia duong thang A tron
Ax+By+Cz+D =0 J P 8 94 J J J

hé phuong trinh: {

khong gian.
7. Khoang cach
7.1. Khoang céch tir mdt diém dén mit phang
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Cho diem M (Xy; Yo; Z,) Vamp(a):Ax+By+Cz+D =0 thi:
_|Ax, +By, +Cz, +D|

M) e

7.2. Khoang céch tir dwdng thing dén mit phang song song

Cho duodng thang A||(a): Ax+By+Cz+D =0, M,(X,; Yo; 2,) 1a mot diem thuoc A
d(A(a))=d(Moi(@))

7.3. Khoang céch giira hai mit phiang song song

Ax, + By, +Cz, +D
— 0 0 0
JA? 4 B? +C?

Cho hai mat phang song song («):Ax+By+Cz+D =0 va (3):Ax+By+Cz+D =0, khi d6

d((@).(8))=d(My:(8))

trong d6 M(Xy; Yo 2,) 1a mét diém e ()

|A%+B%+C%+D
JA? +B?+C?

7.4. Khoang céach tir mdt diém dén mot dwong thing
Khoang cach tir diém M (X,,; Yy 2y ) dén duong thang

X=X, +at
Ay =Y, +bt; My(X Yo: Zo) e AVTCPu = (a;b;c) ; duoc tinh boi CT:
Z=1,+ct
u,M,M
d(M,A):‘[ QO ]‘
g

7.5. Khoang céch giira hai dwong thang chéo nhau
Néu duong thang A di qua diém M, (X,; Y,;Z,) va c6 VTCP u = (a;b;c)
Puong thing A’ di qua diém M, (X,;y,;z,) vacé VICP u =(a’;b’;c) thi

‘[G,J}.MOM :

o]

Luru y: Khoang cach gitra hai dudng thang song song bang khoang cach tir mot diém nam trénduong thang nay
dén duong thang con lai, nghia la

d(AA)=

—

u',MOMJ

g

d(A,A'):d(MO,A'):‘[ M, eA.

8. Vi tri twong doi
8.1. Vi tri twong doi giira hai mit phiang
Cho («):Ax+By+Cz+D=0va (f):Ax+By+Cz+D =0 khi dé

+ () l(B) = n=kn QA.:E.:giR.(A’,B’,C’,D’ déu khac 0)
Dk A B C D
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|o

+ (a)z(ﬂ)@{gikkl'©§=§=%= L (A"B",C",D’ déu khéc 0)

w)

+ (a)va (B) citnhau < n=kn < (A: B:C)#(A:B:C)

+ (a)va () vudng goc vo nhau nn =0 <> AA +BB +CC =0

8.2. Vi tri twong doi gitra hai dwong thing

X=X, +at

Cho hai dudng thang A:<y = Yo +0t; My(X, Yoi Z5) e AVTCPU =(a;b;c)
z=2z,+ct

X=X, +at

A:{y=y,+bt; M('J(x;);y;);z(;)eA',VTCPJ:(a';b';c')

z=17,+ct

X, +at=x,+at
Xét h¢ phuong trinh {y, +bt =y, +bt (), khi d6

Z,+Ct=2z,+Ct

u=ku

o , hay hé phuong trinh (I) ¢6 v6 s6 nghiém.
M, eA (Mo € A)

+AEA'©{

u=ku

~_ hay u=ku va hé (I) v nghiem.
My A (M 2A)

+A||A'@{

+ A VA A citnhau < u=ku va hé phuong trinh (I) ¢6 nghiém duy nhét (hay[ﬁ,JJ.M

oM(') =
+ A va A" chéo nhau <> U = ku' va hé phuong trinh (T) v6 nghiém (hay[a,ﬂ.MoM; - o)
8.3. Vi tri twong ddi gitra dwong thang va mit phing
X=X, +at
Cho duong thang A:{y =y, +bt; M, (X,;Y,;2,) € A,VTCPU = (a;b;c) va mat phing
z=17,+ct
(a):Ax+By+Cz+D=0c6 VTPT n=(A;B;C).
Xét phuong trinh A(X, +at)+B(y, +bt)+C(z,+ct)+ D=0 (¥) an la t, khi d6
+ All(a) <> phuong trinh (*) v6 nghiém (Gﬁ =0,M, ¢ (a))
+ Ac ()< phuong trinh (*) ¢6 v6 6 nghiém (G.ﬁ =0,M, e (a))
+ A va (a) cat nhau tai mot diém < phuong trinh (*) c6 nghiém duy nhat (Gﬁ # 0)
Luuy: A L(a)eu=kn
8.4. Vi tri twong doi giira mat phing va mit cau
Cho mit phing(a): Ax+By +Cz+D =0 vamat cdu (S): (x-a)’ +(y—-b)* +(z-c)" =R?
_|Aa+Bb+Cc+D|
JrR+B?+C?

(S) co tam 1 (a;b;c), ban kinh R. Goi d =d (1;(a))

o).
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+Néu d >R = (a)va(S) khong giao nhau.
+Néu d =R = (a)va (S) tiép xtc nhau tai mot diém H. ((a) goi la tiép dién cia mét cau (S)).
+Néu d <R= (a)va(S) cit nhau theo giao tuyén la mot duong tron (C) c6 ban kinh
r=+R?—d? va c6 tam H Ia hinh chiéu vudng goc cua | trén (a).
Luru y: Dé tim toa d6 tdm H cuia dudng tron (C) ta lam nhu sau

- Lap phuong trinh duong thang A di qua I va vudng goc voi (a) .

- Toa d6 diém H la nghiém ctia hé gém phuong trinh ciia A va phuong trinh (a).

8.5. Vi tri twong doi gitra dwong thang va mit cau

X = X, + at
Cho duong thing thing A:{y =y, +bt va mat ciu (S):(x—a)’ +(y-b)* +(z-c)’ =R?
Z=17,+cCt
o] q
Goi d :d(I,A):T,trongdé M, (X, Yo Z,) €A, u=(a;b;c) [aVTCP cua A
u

+Néu d >R= A va (S) khéng c6 diém chung

+Néu d =R = A tiép xtc véi (S) (A latiép tuyén caa mat cau (S))

+Néu d <R= A cit (S) tai hai diém A, B (A goi la cat tuyén cia mat cau (S))

8.6. Vi tri twong doi giira mat diém va mat cau

Cho diém M (X,; Yo;Z,) V& mat ciu (S):(x—a)’ +(y—b) +(z—c)’ =R?,tam | (a;b;c), ban kinh R thi

MI :\/(a—xo)2 +(b—y0)2 +(c—zo)2
+ Néu MI >R thi diém M nam ngoai mat cau (S)
+ Néu MI =R thi diém M nam trén mat cau (S)
+ Néu MI <R thi diém M nam trong mat cau (S)
9. Goc
9.1. Géc giira hai dwong thiang
Néu duong thing A ¢6 VTCP u = (a;b;c) va dudng thing A ¢6 VTCP u=(a’;b’;c) thi

G-U" |aa' +bb +cc'|

l
9.2. Goc giira dwdng thang va mit phang

Duong thang A ¢6 VTCP u = (a;b;c) vamat phang (&) ¢6 VIPT n=(A;B;C) thi

Cos(A,A' )= =
( ) 1 Ja?+b2+c2a?+b?+c?

- (07 <(a,A)<90°)

|‘1ﬁ |Aa+Bb+Cc| . i
TRl (0" <(Aa)<90
ulp| VA B Ct Ve b (0"=(aa)<90")

sin(A,(a)) = ‘cos(ﬁ, ﬁ)

9.3. GAc giira hai mit phang
Néu mat phang () c6 VTPT n=(A;B;C) va mat phang () ¢6 VTPT n =(A'; B';C') thi

ﬁﬁ‘ . |AA"+ BB +CC|
. H‘  JA?+B?+C2A/A? 4 B? 1 C?

cos((a).(B)) =‘cos(ﬁ,ﬁ)‘ = ; (0°<(a, B)<90°)
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I1. MOT SO DANG TOAN THUONG GAP

1. HE TQA PO TRONG KHONG GIAN

Caul.Chod =(2;-3;3), b =(0; 2;-1), € =(1; 3; 2). Tim toa do cua vector U =2a+3b—¢
A. (0;-3; 4) B. (3; 3;-1) C.(3;-3;1) D. (0;-3;1)

Céu 2. Cho @ =(2;-1; 2). Timy, z sao cho € = (-2; y; z) cung phuong véi &
Ay=-1;z=2 B.y=2z=-1 Cy=1z=-2 D.y=-2;z=1

Cau3.Cho d =(1;-1; 1), b =(3; 0; -1), € = (3; 2; —1). Tim toa d¢ cua vector U = (a.b).c

A. (2;2;-1) B. (6;0; 1) C.(5;2;-2) D. (6; 4; -2)
Cau 4. Tinh géc gitra hai vector & = (2; -1; 2) va b = (0; 1; -1)
A. 135° B. 90° C. 60° D. 45°

Cau5.Choda =(1;-3;2), b=(m+1,m-2,1-m), ¢ = (0; m-2;2). Tim m dé ba vector d6 ddng phing.
Am=0Vm=-2 B.m=-1Vm=2 Cm=0Vm=-1 D.m=2Vm=0
Cau 6. Trong khong gian vai hé toa @6 Oxyz, cho hinh hanh ABDC véi A(L; 2; 1), B(1;1; 0),C(1; 0;2).
Toa do dinh D la
A. (1;-1;1) B.(1;1;3) C.(1;,-1;3) D. (-1;1;1)
Cau 7. Trong khong gian vai hé toa d6 Oxyz, cho hinh hanh ABCD vaéi A(1; 1; 0), B(1; 1; 2), D(1; 0; 2).
Dién tich cua hinh binh hanh ABCD la
Al B.2 C.3 D.4
Cau 8. Trong khdng gian vai hé toa d6 Oxyz, cho cac diém A(1; 1; 2), B(1; 0; 3), C(2; 0; 1). Tim toa do
dinh D sao cho cac diém A, B, C, D la cac dinh cua hinh chi nhat.
A. (2;1;,-2) B. (2;-1; 2) C.(-1;1,2 D.(2;2;1)
Cau 9._Trong khdng gian Oxyz . Cho hinh hop ABCD.AB'C'D biét A(1;0:1),B(2;1;2),D(1;-1;4)
, C'(4:5:-5) ToadodiémA'la:

A.(3;5;-6) B.(-2;1;1) C(5;-1;0) D.(2;0;2)
Cau 10. Trong khong gian Oxyz .Cho M(2;-5;7) Tim toa do diém ddi xang cia M qua mit phang Oxy .
A.(-22;15;-7) B.(-4;-7;-3) C.(2;-5;-7) D.(1;0;2)

Cau 11. Trong khong gian Oxyz .Cho hai diém A (2;5; 1), B(-1;7;-3).Diém nao sau day thang hang véi
AB
A (-4;9;-7) B. (11;-1;12) C.(14;-3;16) D.(0;2;0)
Cau 12. Trong khong gian véi hé toa do Oxyz, cho hai diém A(-1; 2; 3), B(1; 0; -5) va mat phang (P): 2x +y —
3z -4 =0. Tim toa d6 diém M thudc (P) sao cho 3 diém A, B, M thang hang.
A.(0;1; 2) B, (-2; 1;-3) C.(0;1;-1) D.(3;1;1)
2. MAT CAU

Cau 13. X4c dinh toa d6 tam va ban kinh cia mat cau (S): x2 +y2+ 22— 8x + 2y + 1 = 0.
A.1(4;,-1;0),R=4 B.I(-4;1;0),R=4 C.I(4,-1;0),R=2 D.I(-4;1;0),R=2
Cau 14. Viét phuong trinh mat cau c¢6 tam 1(0; 3; —2) va di qua diém A(2; 1; -3)

A (S):x2+(y-3)2+(z+2)2=3 B.(S):x2+y2+722-6y+4z+4=0
C.(S):x2+(y-3)2+(z+2)2=6 D.(S):x2+y2+z2-6y+4z+10=0

Cau 15. Viét phuong trinh mat cau ngoai tiép tr dien ABCD vai A(L; 1; 0), B(0; 2; 1), C(1; 0; 2), D(1; 1; 1)
A (S):x2+y2+722+3x+y—-z2+6=0 B.(S):x2+y2+22+3x+y-z-6=0

C.(S):x2+y2+72+6x+2y—-22+24=0 D.(S):x2+y2+72+6x+2y—-22-24=0
Cau 16. Viét phuong trinh mat cAu c6 tam thuoc mat phéng Oxz va di qua céac diém A(1; 2; 0), B(-1; 1; 3),
C(2; 0; -1).

A (S): (x+3)2+y?+ (z+3)2=17 B.(S): (x-3)2+y2+(z-3)2=11
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C.(S):(x+3)2+y2+(z+3)2=11 D.(S): (x=-3)2+y2+(z-3)?=17
Cau 17. Viét phuong trinh mat cau (S) ¢6 tam I(1; 5; 2) va tiép xtc véi mat phang (P): 2x+y +3z+1=0
A (S):(x-12+(y-52+(z-2)2?=16 B.(S): (x-1)2+(y-5)2+(z-2)?=12
C.(S):(x=12+(y-52+(z-22=14 D.(S): (x=12+(y-52+(z-2)2?=10
Cau 18. Trong khong gian voi hé toa d6 Oxyz, cho diém A(2;1;1) va mat phang (P): 2x —y +2z + 1 =0.
Phuong trinh mat cau (S) tim A tiép xGc voi mat phang (P) 1a
A (S): (x=-22+(y-12+(z-1)2=4 B.(S): (x-2)2+(y-1)2+(z-1)2=9
C.(S):(x=22+(y-12+(z-1)2=3 D.(S): (x-2)2+(y-1)2+(z-1)2=5
Cau 19. Cho hai diém A(2; 4; 1), B(-2; 2; —3). Phuong trinh mat cau duong kinh AB 12
A X2+ (y+3)2+(z-1)2=9 B.x2+(y—-3)2+(z-1)?=36
C.x2+(y+3)2+(z+1)2=9 D.x2+(y—-3)?+(z+1)2=36
Cau 20. Trong khong gian vai hé toa do Oxyz, cho mat cau (S) 6 tam 1(2; 1; 1) va mat phang (P): 2x +y + 2z
+2 = 0. Mt phang (P) cit mat cau (S) theo giao tuyén 1a mot duong tron c6 ban kinh bang 1. Phuong trinh cua
mit cau (S) 1a
A (S):(x+22+(y+1)2+(z+1)2=8 B.(S): (x+2)2+(y+12+(z+1)2=10
C.(S):(x=22+(y-12+(z-1)2=8 D.(S): (x-2)2+(y-12+(z-1)?2=10
X+l y-2 z+3
1

Cau 21. Trong khong gian vai hé toa do Oxyz, cho diém A(1; -2; 3) va duong thang d:

Viét phuong trinh mat cau (S) tam A va tiép xtc véi d.
A (S): (x=1)2+(y+2)2+(z-3)2=49 B.(S): (x=1)2+(y+2)2+(z-3)2=7
C.(S):(x=12+(y+22+(z-3)2=50 D.(S): (x-1)2+(y+2)2+(z-3)2=25
Cau 22. Trong khong gian vai hé toa d6 Oxyz, cho mit phang (P): 2x — 2y —z — 4 = 0 va mat cau (S): x2 + y2 +
72 — 2x — 4y — 6z — 11 = 0. Biét rang mat phang (P) cit mat cau (S) theo mot duong tron (C). Xéc dinh toa do
tam va ban kinh caa duong tron (C).
A.(3;0;2)var=2 B.(2;3;0)var=2 C.(2;3;0)var=4 D.(3;0;2)var=4
X+2 y-2 z+3
=5
cit duong thang A tai hai diém B va C sao cho BC = 8.
A (S):x2+y2+72+4z-21=0 B.(S):x2+y2+2722+4z2-25=0
C.(S):x2+y2+72-42-21=0 D.(S):x2+y2+72-42-25=0
Cau 24. Cho duong thiang A: XT_l = yT_S :% va mat phang (P): 2x —y + 2z = 0. Viét phuong trinh mit cau
(S) c6 tam thudc A, c6 ban kinh bang 1 va tiép xdc véi mat phang (P).
A (S): x2+y2+72-2x—-2y—-2z+2=0hoac (S): x2+y2+72-10x—-22y -4z +149=0
B.(S):x2+y2+722+2x+2y+2z+2=0hoac (S): x2+y2+2722—-10x—22y -4z +149=0
C.(S):x2+y2+72-2x—-2y—-22+2=0hoac (S): x2+y2+ 72+ 10x + 22y + 4z + 149=0
D.(S):x2+y?2+z2+2x+2y+22+2=0hodc (S): x2+y?+2z2+10x + 22y + 4z + 149 =0
Xx-1 y+1 z-4
==
Viét phuong trinh mat cau tam | va cit d tai hai diém A, B sao cho tam giac IAB vuéng tai I.
A x2+y2+(z-3)2=5 B.x2+y2+(z-3)2=8
C.x2+y2+(z-3)2=10 D.x2+y2+(z-3)2=12
X-2 y+1 z+3
1 22
B(-2; 5; 2). Tinh ban kinh mat cau (S) di qua A, B va c6 tam thudc duong thang d.

A. 52 B.6 C.5+5 D.3+2

Cau 27. Mt cau tam I(3; 2; —4) va tiép xdc véi truc Oy ¢6 ban kinh Ia

Cau 23. Cho duong thing A: va diém A(0; 0; -2). Viét phuong trinh mit cau (S) tm A,

Cau 25. Trong khong gian vai hétoa d6 Oxyz, cho dudng thang d: va diém I(3; -1; 3).

Cau 26. Trong khong gian voi hétoa do Oxyz, cho dudng thing d: va hai diém A(2; 1; 0),
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A.3 B.4 C.5 D.2
Cau 28. Trong khong gian vai hé toa do Oxyz, cho cac diém A(3;3;0), B(3;0;3), C(0;3;3). Tim toa do tm
dudong tron ngoai tiép tam giac ABC.
A. (3;3;3) B.(1;1;1) C.(1,;2;3) D. (2; 2; 2)
3. MAT PHANG
Cau 29 . Mit phang nao sau day ¢ vecto phap tuyén (3;1;-7)
A.3x+y-7=0 B.3x +z-7=0 C.—6x-2y+14z-1=0 D.3x-y-72z+1=0
Cau 30. Trong khong gian Oxyz .Cho hai diém P (4 ;-7 ;-4), Q(-2; 3 ; 6) Mit phang trung truc cta doan
PQla:
A.3x-5y-52-8=0 B.3x+5y+5z2-7=0 C.6x-10y-10z-7=0 D.3x-5y-52-18=0
Céau 31. Trong khéng gian Oxyz .Cho tir dién ABCD véi A(5;0; 4), B(-1;-1; 2), C(5:1; 3),
D( 0;0; 6) . Phuong trinh mit phang qua A, B va song song CD 1a :
A x-28y-11z-9=0 B.-x-28y+11z-49=0 C.x +28y+11z-49=0 D.x+28y-11z2+19=0
Cau 32. Viét phuong trinh mat phang (P) di qua diém M(Z; 2; -3) va vudng goc véi gia caa 2 vecto
a =(2:1;2), b =(3; 2; -1).
A.-bx+8y+z-8=0 B.-5x-8y+z-16=0 C.5x-8y+z-14=0 D.5x+8y-z-24=0
Cau 33. Viét phuong trinh mat phang (P) di qua M(-1; 1; 0), song song véi (0): X — 2y + z — 10 = 0.
AXx-2y+z-3=0 B.x-2y+z+3=0 C.x-2y+z-1=0 D.x-2y+z+1=0

Cau 34. Viét phuong trinh mat phang (P) di qua 2 diém A(3; 1; -1), B(1; 3; —2) va vudng g6c véi mit phang
(a):2x-y+3z-1=0

A.5x+4y-272-21=0 B.5x+4y—-2z2+21=0 C.5x—4y-2z-13=0 D.5x-4y-22+13=0
Cau 35. Viét phuong trinh mat phang (P) di qua ba diém A(2; 0; 0), B(0; —1; 0), C(0; 0; -3).

A -3x+6y+22+6=0 B.-3x-6y+2z+6=0 C.-3x-6y+2z-6=0 D.-3x+6y-22+6=0
Cau 36. Viét phuong trinh mit phing (P) di qua M(1; 0; —2) dong thoi vudng géc vai hai mat phing (a):
2x+y-z-2=0va(P):x-y-z-3=0.

A -2x+y-32+4=0 B.-2x+y-3z-4=0 C.-2x+y+3z2-4=0 D.-2x-y+32+4=0

Cau 37. Viét phuong trinh mat phang (P) song song vai (Q): X + 2y — 2z + 5= 0 va cach A(2; -1; 4) mot doan
bang 4.

A X+2y-22+20=0hoacx+2y—-2z-4=0 B.x+2y—-2z+12=0hodcx+2y-2z2-4=0
C.x+2y-2z+20=0hoacx+2y-2z2-8=0 D.x+2y—-2z+12=0hodacx+2y—-2z+4=0

Cau 38. Viét phuong trinh mat phang (P) tiép xic mat cu (S): X2 + y2 + 72 — 2x — 2y — 2z — 22 = 0 tai diém
M(4; -3; 1)

A 3x-4y-20=0 B.3x-4y-24=0 C.4x-3y-25=0 D.4x-3y-16=0

Cau 39. Cho 4 diém A(2; 0; 0), B(0; 4; 0), C(0; 0; 6), D(2; 4; 6). Viét phuwong trinh mit phang di qua A va song
song véi mat phang (BCD).

A.6x-3y-2z-12=0 B.6x-3y-22+12=0 C.3x+2y-6z2+6=0 D.3x-2y+6z-6=0
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Cau 40. Trong khdng gian vai hé toa d6 Oxyz, cho tam giac ABC véi A(L; 0; 0), B(0; -1; 3), C(1; 1; 1). Viét
phuong trinh mit phang (P) di qua diém C va vuéng géc véi AB.

A Xx+y-3z+1=0 B.x+y-3z-1=0 C.x+y+3z-5=0 D.x-y+3z-1=0

Cau 41. Cho diém A(=2; 2; 1) va duong thing d: X—‘lz - ll - ZT‘l Viét phuong trinh mit phing (P) di qua
A va chtra duodng thang d.
Ay+z-6=0 B.x+y+6=0 Cy+z-1=0 D.y+z-2=0

Cau 42. Cho hai diém A(1; -1; 5) va B(0; 0; 1). Viét phuong trinh mat phing (P) di qua A, B va song song voi
truc Oy.

A d4x+y-z+1=0 B.2x+z-5=0 C.4x-z+1=0 D.y+4z-1=0

Cau 43. Cho mit cau (S): X2 + y2 + 22 — 2x — 4y — 6z — 2 = 0 va mat phang (P): 4x + 3y — 12z + 10 = 0. Viét
phuong trinh miat phang (Q) // (P) va tiép xuc véi mat cau (S).

A 4x+3y—-122+78=0hoac4x+3y—-122-26=0 B.4x+3y-12z-78=0hodac4x+3y—-122+26=0
C.4x+3y-122+62=0hoac4x+3y-122-20=0 D.4x+3y-12z-62=0hodc4x+3y-122+20=0

Cau 44. Trong khong gian vai hé toa d6 Oxyz, cho bdn diém A(1; —2; 0), B(0; -1; 1), C(2; 1; -1) va D(3; 1; 4).
Hoi c6 tat ca bao nhidu mit phiang cach déu bon diém do?

Al B.4 C.7 D. Co vd sb

Cau 45. Trong khong gian voi hé toa d6 Oxyz, cho cac diém A(L; 4; 2), B(1; 0; 1), C(3; 2; 1). Cho céc phat
biéu sau:

(1)Trung diém BC thudc mit phang Oxy.
(2) Cac diém A, B, C tao thanh ba dinh cua mot tam giac can.
(3)Céc diém A, B, C tao thanh ba dinh ciia mot tam giéc ¢6 chu vi 12 10 + 2.3
(4) Céc diém A, B, C tao thanh ba dinh ciia mot tam giac co dién tich 12 v/26
S cau phat biéu dung 1a
A 4 B.1 C.2 D.3
Céu 46. Trgng khong gian vai hé toa 46 Oxyz, cho cac diém A(L; 1; 2), B(3; 1; 4), C(0; 2; 3), D(2; 2; 5). Cho
cac phat biéu:
(1) Dién tich tam giac ABC bang dién tich tam gi4c BCD.
(2) Cac diém A, B, C, D cling nam trén mot duong tron.
(3) Hinh chiéu vudng goc cua B trén duong thing di qua hai diém A, C c6 toa do 1a (1;2;1).
(4) Trung diém cua doan thang AD triing véi trung diém cia doan thang BC.
S céc phéat biéu dung 1a
Al B.2 C.3 D.4
Cau 47. Viét phuong trinh mat phang (P) chta truc Oy va vudng goc mat phang(Q): 2x -z -9=0.
A Xx+y-2z=0 B.x+2z2=0 C.x-2z2=0 D.x+2z2-3=0

Trang 9



Trwong THPT Nguyén Trung Truec Hueéng dan én tdp hinh hoc hoc ky 2 1op 12

x-3 y-1 z , x y-5
1 171 =2
trinh mat phang (P) di qua A, dong thoi song song véi hai duong thang di, do.

A x+3y+5z-13=0 B.x-3y-5z+13=0 C.x+3y+5z-10=0 D.x-3y-52+10=0

I
o
I
I
I

Cau 48. Cho diém A(-3; 1; 2) va hai duong thang da: % . Viét phuong

Cau 49. Trong khong gian vai hé toa do Oxyz, cho hai mat phang (Q1): 3x—y + 4z +2=0va (Q2): 3x -y +
4z + 8 = 0. Phuong trinh mat phang (P) song song va cach déu hai mat phang(Q1) va (Q2) l1a

A 3x-y+4z+10=0 B.3x-y+4z+5=0 C.3x-y+4z-10=0 D.3x-y+4z-5=0
X=2+t X=1+2s

Cau 50. Cho hai duong thang d1: {y =3+t vadz: <y=2+s . Viét phuong trinh mat phang (P) song song va
z=2-t z=1+3s

cach déu hai duong thiang d1, do.
A.4x-5y-z+17=0 B.4x+5y+z-17=0 C.4x-5y-z+8=0 D.4x+5y+z-8=0
Cau 51. Trong khdng gian véi hé toa dd Oxyz, cho diém A(2; —2; —1) va dudng thang d: XT_Z = yT—Z = %
Viét phuong trinh mt phang (P) chira d sao cho khoang céch tir A dén mat phang (P)Ién nhét.

A (P):x+y=0 B.(P):x-y+2=0 C.(P):x-y=0 D.(P):x+y-2=0
Cau 52. Trong khong gian voi hé toa d6 Oxyz, goi (P) 1a mat phang di qua G(1; 2; —1) va cat Ox, Oy, Oz lan
luot tai A, B, C sao cho G la trong tam cua tam giac ABC. Viét phuong trinh mit phang (P).
A (P:x+2y-z-4=0 B.(P):2x+y-22-2=0 C.(P):x+2y-z-2=0 D.(P):2x+y-2z-6=0
Cau 53. Trong khong gian véi hé toa do Oxyz, goi (P) la mat phang di qua H(2; 1; 1)va cit Ox, Oy, Oz lan
luot tai A, B, C sao cho H la tryc tdm cua tam gidc ABC. Viét phuong trinh mat phang (P).
A (P:2x+y+z-6=0 B.(P):x+2y+2z2-6=0 C.(P):2x-y-z-2=0 D.(P):x-2y-2z2+2=0

Cau 54. Trong khong gian vai hé toa do Oxyz, cho (P) 12 mat phang di qua M(2; 1; 2) va cit cac tiaOx, Oy, Oz
lan luot tai A(a; 0; 0), B(0; b; 0), C(0; 0; ¢) sao cho thé tich cua khéi tir dién OABC la nho nhat véi a, b, ¢ 1a sb
dwong. Viét phuong trinh mat phang (P).

A (P:2x+y+2z-9=0 B.(P):x+2y+z-6=0 C.(P):2x-y+2z2-7=0D.(P):x-2y+z-4=0

Cau 55. Cho ta dién ABCD c6 cac dinh A(1:2;1), B(-2;1;3), C(2; -1:1) va D(0;3;1). Viét phuong trinh mat
phing (P) di qua A, B sao cho (P) cach déu hai diém C, D.

A.(P):2x+3z-5=0hoac (P):4x+2y+7z2-15=0 B.(P):2x-3z+1=0hoac (P):4x+2y+7z-15=0
C.(P):2x+3y-10=0hoac (P): 4x -2y -7z +7 =0 D. (P): 2x—3y+4 =0hoac (P): 4x-2y-7z2+7=0
Cau 56. Cho hai mat phang (P): x +y +z—3=0va (Q): x—y + z — 1 = 0. Viét phuwong trinh mat phang (R)
vudng géc véi (P) va (Q) sao cho khoang cach tir géc toa do O dén (R) bing v/2 .
A x-z+2=0hoacx-z-2=0 B.x-z+4=0hoacx-z-4=0
C.x-y+2=0hoacx-y-2=0 D.x-y+4=0hoacx-y-4=0
4. PUONG THANG
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X=t
Cau 57. Trong khong gian véi hé toa d Oxyz, cho dudng thing d:<y=1+2t (teR)
z=5-3t
Vecto chi phuong cia duong thang d 1a
A. a=(123) B. a=(1-2-3) C. a=(12-3) D. a=(-12;-3)
Cau 58. Viét phuong trinh dudng thang d di qua 2 diém A(2; 1; 0), B(0; 1; 2)
X=-t X=2-t X=2+t X=t
A.(d):3y=0 B.(d): cy=1 C.(d):qy=1 D.(d): 1y=0
Z=t Z=1t Z=-—t Z:2—t
A . X \ \ 2 . .2 . . L. X+2 y—5 72-2
Céu 59. Viet phuong trinh duong thangd di qua diem A(4; —2; 2), song song Voi A: 2 = 5 = 3
A. (d): x+4:y—2:z+2 B. (d): X+4 y+2 z-2
4 2 3 2 3
C.(d) XA _yra_z+2 D. (d): X‘4:y+222—2
4 2 3 4 2 3
Cau 60. Viét phuong trinh dudng thang(d) di qua diém A(-1; 0; 2), vudng goc véi (P): 2x — 3y + 6z + 4 = 0.
A. (d): x—1:X:z+2 B. (d): X+1 X:z—z
-2 3 -6 -2 3 -6
C.) Xty _2-2 D. () X1 Yy _2z+2
2 3 -6 2 -3 6

Cau 61. Trong khong gian voi hé toa d6 Oxyz, cho hai mat phang (P): 2x +y —z -3 =0 va (Q):
X +y +z -1 =0. Phuong trinh dudng giao tuyén caa hai mit phang (P) va (Q).

A.(d):izy—2:z+1 B. (d): x+1 y+2 z-1
-3 1 -2 3 -1
C. (d): x-1 y+2 z+1 D.(d):£=y+2=z_—l
-3 1 2 -3 -1
Xx+1 y z+2
Cau 62. Cho duong thang (d): > =13 va mat phang (P): x + 2y + z — 4 = 0. Viét phuong trinh duong
thang (A) nam trong mit phing (P), ddng thoi ¢t va vudng goc voi (d).
A x—1=y—1=z—1 B. x+1=y+1=z—1 C x—l=y+l=z—1 D. x—1=y+1=z—l
5 -1 -3 5 -1 3 5 1 -3 -5 1 3
Cau 63. Cho hai duong thing d1: X+26 - VZG - 212  da: Xz_l - ygz - ”13 . Viét phuong trinh duong
thang ddng thoi cat va vudng goc vai ca hai dudng thang d1, do.
X=-3+t X =—-3+5t X =3+5t X=3+1
A diy=-8 B.d: sy=-8-t C.d:iy=8-t D.d:<y=8
z=-1+2t z=-1+10t z=1+10t z=1+2t

Cau 64. Trong khong gian véi hé toa do Oxyz, cho didm A(1; 0; 2) va duong thing d: XT_l - % - ZT” Viét

phuong trinh duong thiang (A) di qua A, dong thai vudng goc va cit duong thang d.

Ay Xty _z-2 B.(a) X1_Y_272

1 1 1 1 1 -
C. (A): x—lzlzz—Z D. (A): x—1:l:z—2
o 2 1 1 301
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x-1 y-3 z-1 . _. .
= = va mat phang (P): x —
2T T at phang (P)

3y + z — 4 = 0. Phuong trinh hinh chiéu vudng g6c cua d trén mat phing (P) 1a
X+3 y+1 z-1 Xx-2 y+1 z-1

Cau 65. Trong khong gian véi hé toa do Oxyz, cho duong thang d:

A. B.
2 -1 1 -2 1 1
C x+5:y+1:z—1 Dl§:y+1:z—1
2 1 -1 2 1 1
Cau 66. Viét phuong trinh duong thang(d) di qua diém A(1; 0; 5), ddng thoi vudng goc véi hai duong thang
(d): x—1: y-3 _ z-1 va (d2): x—1: y—-2 _ z-3
2 -2 1 -1 1 -3
X =1+5t X=1+t X=-1+t Xx=1-t
A. (d):sy=5t B.(d): sy=t C.(d): qy=t D.(d): qy=t
Z=5+4t z=5 z=-5 z=5
Cau 67. Viét phuong trinh duong thang(d) di qua diém A(1; 2; -2), déng thoi vudng goc va cat duong thang
A X Y1z
1 1 2
A x+1:y+2:z—2 B. x+1:y+2:z—2
1 1 -1 1 -1 -1
C x—1:y—2:z+2 D x—lzy—2:z+2
1 1 -1 1 -1 -1

Cau 68. Trong khong gian vai hé toa d6 Oxyz, cho miat phang (P): x + 3y + 2z — 1 = 0 va hai duong thang

da: X;Ll = yIZ = le va dz: XT_l :yT_lzil. Viét phuong trinh dudng thang d thudc mit phang (P) va cit
ca hai duongthang d1 va d2.
A x+2:y—1:z+1 B. x+2:y—1:£ C x+1:y—1:z—2 D x+1:l:z—1
1 -2 3 1 -1 1 1 -1 1 1 -2 3

Cau 69. Trong khong gian vai hé toa do Oxyz, cho mat phang (P): X — 2y + 2z — 5 = 0 va hai diém A(-3;0;1),
B(0; -1:3). Viét phuong trinh dudng thing ddi qua A va song song véi (P),sao cho khoang cach tir B dén
duong thang d6 1a nhé nhat.

X=-3+2t X=-3+2t X=-3+2t X=-3+2t
A d y=t B.d: Jy=-t C.diy=-t D.d:<y=t
z=1-t z=1 z=1+t z=1

5. KHOANG CACH

Cau 70. Cho mit phang (P): 2x —y — 2z — 8 = 0 va diém M(=2; —4: 5). Tinh khoang cach tir M dén (P).

A. 18 B.6 C.9 D.3
Cau 71. Cho hai miat phang (P): 2x — 3y + 6z + 2 = 0 va (Q): 2x — 3y + 6z + 9 = 0. Tinh khoang céch giira hai
mit phang (P) va (Q).

A.8 B.4 C.2 D.1

Cau 72. Trong mit phang Oxyz, cho tir dién ABCD c6 A(2;3:1), B(4:1; —2), C(1;3;2), D(-2;3;-1).Do dai
duong cao ké tir D cua ta dién la

Al B.4 C.3 D.2
Cau 73. Cho diém A(1; 0; 1), B(0; 2; 3) va C(0; 0; 2). B¢ dai duong cao ha tir C cua tam giac ABC la
A.2 B.3 C.1/2 D.1
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X-1 y-2 z+3
2

A.3+5 B.5+/3 C.2\5 D.5+/2
Xx-1 y-7 z-3 X+1 y-2 z-2

Cau 74. Cho A(-2; 2; 3) va dudng thang (A): . Tinh khoang cach tir A dén(A).

Cau 75. Tinh khoang céch gitra hai duong thang d1: , da: .
1 4 1 2 -1
3 2 1 5
A — B. — C. — D. —
V14 J14 J14 V14
Cau 76. Cho bdn diém A(1; 1; 0), B(0; 2; 1), C(1; 0; 2), D(1; 1; 1).Tinh thé tich khéi tt dién ABCD.
A.1/6 B. 1/3 C.1/2 D.1

Cau 77. Cho cac diém S(3; 1; -2), A(5; 3; -1), B(2; 3; -4), C(L; 2; 0). Tim toa d6 hinh chiéu vuéng géc H cua
S trén mat phing (ABC).
A. H(8/3; 8/3; -5/3) B. H(9/4; 5/2; -5/4) C.H(5/2; 11/4; -9/4) D. H(5/3; 7/3; -1)

Cau 78. Cho duong thing A: Xz_l - % _Z +12 va mit phing (P): x — 2y + 2z — 3= 0. Goi C Ia giao diém ciia A
véi (P), M 1a diém thuoc A. Tinh khoang cach tir M dén (P), biét MC = /6 .
A2 B.3 C.213 D. 4/3

Cau 79. Trong khong gian véi hé toa do Oxyz, cho diém M(1; 1; 2). Tim diém N thudc mat phang Oxy sao cho
d6 dai doan thang MN Ia ngén nhat.
A.(1;1;0) B.(1;2;2) C.(2;1;0) D. (2; 2;0)
Cau 80. Trong khong gian vai hé toa d6 Oxyz, cho cac diém A(L; 2; 3), B(3; 2; 1). Goi M la diém thudc mat
phing Oxy. Tim toa d6 ciia M dé P = | MA + MB | dat gia tri nho nht.
A.(1;2;1) B.(1;1;0) C.(2;1;0) D. (2; 2;0)
Cau 81. Trong khong gian vai hé toa do Oxyz, cho cac diém A(1; 1; 0), B(3; 0; 5), C(2; 2; 1). Goi M 1a mot
diém chay trén mat phing Oyz. Gia tri cia P = MA2 + MB? + MC? dat gi4 tri nho nhit khi M c6 toa do 12
A.(0;2;1) B.(0;1;3) C.(0; 2;3) D. (0; 1; 2)
Cau 82. Trong khong gian vai hé toa d6 Oxyz, cho cac diém A(1; 2; 0), B(0; 1; 5), C(2; 0; 1). Goi M la mét
diém chay trén mat phang Oyz. Gia tri nho nhat cua P = MA2 + MB2 + MC? 1a
A. 23 B. 25 C. 27 D.21
6. VI TRIi TUONG POI

Cau 83. Xac dinh m dé hai mat phang sau vudng goc (P): (2m — 1)x - 3my + 2z -3 =0va
(Q:mx+(m-1)y+4z-5=0.
Am=-2Vm=2 B.m=-2Vm=4 C.m=2Vm=4 Dm=-4Vm=2
Cau 84. Xac dinh m ,n ,p dé cap mat phang sau song song
(P):2x-3y-52z+p=0,(Q):(m+2)x+(n-1)y+10z-2=0
A.m=2,n=-3,p#5 B.m=-2,n=3,p#1
C.m=-6,n=7,p=#1 D.m=6,n=-4,p #2
_Chu 85. Biéu kién nao sau day khong di dé cap mat phang
(P):2x-y-5z2+p=0, (Q):(m+2)x+(n-1)y+10z-2 =0 khdng cit nhau :
A. m#—6 B.n=#3 C.m#-6n=3 D. p#1

2X+3y+6z2-10=0

va mit phang
X+y+z+5=0

Cau 86. Trong khong gian Oxyz. Cho duong thang d : {

(P):mx+y+z+5=0.Véigia tri ndo cia m dé duong thang d va mat phing (P ) song song .
A.m=0 B.m=1 C.m=0 D.m=1
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Cau 87. Cho hai diém A(1; -1; 2), B(2; 0; 1) va mit phang (P): X + 2y — 2z — 5 = 0. Tim toa d6 giao diém cua
duong thang AB va mat phing (P).
A. (-2;-6; 8) B. (-1;-3; 4) C.(3;1;0 D. (0; 2; -1)
Cau 88. Cho mat phang (P): 3x — 2y + z + 6 = 0 va diém A(2; —1; 0). Tim toa do hinh chiéu cua A Ién mat
phang (P).
A (1;-1;1) B. (-1;1;-1) C.(3;,-2;1) D. (5;-3;1)
X=6-4t
Cau 89. Cho diém A(1; 1; 1) va dudng thang (d): {y=-2—t . Tim toa d6 hinh chiéu vuéng goc caa A Ién
z=-1+2t
duong thang (d).
A. (2;-3;-1) B.(2;3;1) C.(2;-3;1) D. (-2; 3;1)
Cau 90. Trong khong gian vai hé toa d6 Oxyz, cho cac diém A(3; —4; 0), B(0; 2; 4), C(4; 2; 1). Toa d6 diém D
trén truc Ox, sao cho AD = BC.
A. D(0; 0; 0), D(6; 0; 0) B. D(-2; —4; 0), D(8; —4; 0)
C. D(3; 0; 0), D(0; 0; 3) D. D(-2; 0; 0), D(8; 0; 0)
Cau 91. Trong khong gian vai hé toa do Oxyz, cho diém A(2; —1; 1) va mat phing (P): 2x —y + 2z + 2 = 0.
Tim toa d6 diém B di ximng véi A qua mit phang (P).

A.B(-2; 0; -4) B. B(-1; 3;-2) C.B(-2; 1;-3) D. B(-1;-2; 3)
Cau 92. Trong khong gian véi hé toa d6 Oxyz, cho duong thang d: XT_Z = y_;l :il va diém A(-1; 0; 1).
Tim toa d6 diém B di xiing véi A qua dudng thang d.
A. (1; 2;3) B.(1;2;1) C.(1;-2;3) D.(0;1;1)
X-2 y+3 z-

Cau 93. Cho duong thing d: v mat phang (P): 3x + 5y — 2z — 4 = 0. Tim toa d6 giao

3

diém cua d va (P).

A. (4;0; 4) B. (0; 0; -2) C.(2,0;1) D. (-2; 2; 0)
Cau 94. Cho mit phang (P): 2x — 2y + z + 3 = 0 va mat cau (S): X2+ y2 + 72— 2x + 4y + 6z + 1 = 0. Vi tri tuong
ddi gitta (P) va (S) 1

A. cit nhau theo duong tron ¢ ban kinh 2 B. ¢t nhau theo duong tron cé ban kinh 3

C. cit nhau theo duong tron cd ban kinh 4 D. chdng khéng cét nhau
Xx-10 y-2 z+2

5 1

10x + 2y + mz + 11 = 0, m la tham s thuc. Tim gia tri cua m dé (P) vudng goc vai (A).

A m=-2 B.m=2 C.m=-52 D.m=52
Cau 96. Trong khong gian véi hé toa do Oxyz, cho ti dién ABCD c6 cac diém A(0; 1; 0), B(0; 1; 1),
C(2; 1; 1), D(1; 2; 1). Thé tich cua tr dién ABCD bang

A.1/6 B. 1/3 C. 2/3 D. 4/3
Cau 97. Trong khong gian vai hé toa do Oxyz, cho mat cau (S): (x — 2)2 + (y — 1)? + z2 = 9 va duong thang d:

2 -2 . ) 2 .
Xre ¥ _z7¢ . Tim toa d¢ cac giao diém cua d va (S).

Cau 95. Trong khong gian véi hé toa do Oxyz, cho duong thang (A): va mit phang (P):

2 -1 -1
A.(0,-1;1)va(2; 2;0) B. (0, 1; 1) va (2; -2; 0)
C.(0,-1; 1) va(2;-2;0) D.(0,1;-1)va(-2; 2;0)
Cau 98. Tim toa do diém A trén duong thiang d: % = ll = ZTH sao cho khoang céch tir A dén mat phang
(P): x —2y — 2z + 5 =0 bang 3. Biét rang A c6 hoanh d6 duong.
A. (2;-1;0) B. (4;-2;1) C.(-2;1;,-2) D. (6;-3; 2)
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Cau 99. Trong khong gian vai hé toa do Oxyz, cho ba diém A(0;1;2), B(2; —2;1),C(-2;0;1). Tim toa do cua
diém M thuoc mat phing (a): 2x + 2y +z — 3 = 0 sa0 cho MA = MB = MC.

A. (2;1;3) B.(-2;5;7) C.(2;3,-7) D. (1; 2;5)
Cau 100. Trong khéng gian véi hé toa do Oxyz, cho mat cau (S): (x — 1)2 + (y — 2)2 + (z — 2)2 = 36 va mat
phang (P): x + 2y + 2z + 18 = 0. Puong thang d di qua tAim mat cau va vudng goc véi mat phang (P), cat mat
cau tai c&c giao diém I

A. (-1;-2;-2)va (2; 4; 4) B. (3; 6; 6) va (-2; —4; —4)

C. (4, 8; 8) va (-3; -6; -6) D. (3; 6; 6) va (-1; -2; -2)
Cau 101. Trong khéng gian vai hé toa dd Oxyz, cho mat phang (P): X — 2y + 2z — 1 = 0 va hai duong thing da:
X+1 y z+9 Xx-1 y-3 z+1

R da: > . 5 Xéc dinh toa do diém M thudc d1 sao cho khoang cach tir M dén
d2bang khoang cach tir M dén mat phang (P). Biét ring M c6 hoanh do nguyén.
A. (-1;0;-9) B. (0; 1; -3) C.(1,;2;3) D. (2;3;9)

Cau 102. Trong khong gian voi hé toa dd Oxyz, cho cac diém A (2; 1; 0), B(1;2;2), C(1;1;0) va mit phang (P):
X +Yy+2z—-6=0. Xac dinh toa do diém D thudc duong thang AB sao cho dudng thang CD song song véi mat
phang (P).
A. D(5/2; 1/2; -1) B. D(3/2; -1/2; 0) C. D(0; -1/2; 3/2) D. (-1; 1/2; 5/2)
Cau 103. Cho cac diém A (1; 0; 0), B (0; b; 0), C (0; 0; c), trong d6 b> 0, ¢ > 0 va mat phang (P):y—z + 1 =0.
Xac dinh b va c, biét mat phang (ABC) vudng gdc véi (P) va khoang cach tir diém O dén (ABC) bang1/3.
A.b=2vac=2 B.b=12vac=1/2 C.b=2vac=1 D.b=1vac=2

Cau 104. Cho duong thang A: gz yT—l = % Xéc dinh toa do diém M trén truc hoanh sao cho khoang cach tir
M dén A bang OM véi O 1a gdc toa do.
A. (-1; 0; 0) hoac (1; 0; 0) B. (2; 0; 0) hoac (-2; 0; 0)
C. (1; 0; 0) hoac (-2; 0; 0) D. (2; 0; 0) hoac (-1; 0; 0)
X=3+t
A ~ . LA A . \ 2 . \ x=-2 y-1 z
Cau 105. Trong khong gian vai hé toa do Oxyz, cho hai duong thang A1: Jy=t  va Az: > T "o
z=t

Tim toa do diém M thudc A1 sao cho khoang cach tir M dén A2 bang 1.
A.(6;3;3),(3;0;0) B.(4;1;1),(7;4;4) C.(3;0;0),(7;4;4) D.(52;2),(4;1,1)
Cau 106. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(2; 0; 1), B(0; —2; 3) va mit phing (P):
2X -y —2z+4=0.Tim toa do diém M thudc (P) sao cho MA = MB = 3. Biét M c¢6 hoanh d¢ nguyén.
A. (3;-2;3) B.(2;0; 4) C.(-1;0;2) D. (0; 1; 3)
Cau 107. Trong khéng gian véi hé toa do Oxyz, cho mat cau (S): X2 + y2 + 22 — 4x — 4y — 4z = 0 va diém
A(4; 4; 0). Tim toa d6 diém B thudc (S) sao cho tam giac OAB déu.

A. (4; 0; 4) hoac (0; 4; 4) B. (2; 2; 4) hoac (2; 4; 2)
C. (4;0; 4) hoac (8; 4; 4) D. (0; 4; 4) hoac (8; 0; 0)
Cau 108. Trong khéng gian véi hé toa do Oxyz, cho duong thang A: XT_Z = y_J;l = il va mit phang (P):

X+y+2z-3=0.Goilla giao diém caa A va (P). Xac dinh toa do diém M thudc (P) sao cho MI vudng goc
Vi A va MI = 414,

A. M(=3; -7; 13) hoac M(5; 9; —-11) B. M(-3; —7; 13) hoac M(9; 5; -11)
C. M(-7; 13; =3) hoac M(-11; 9; 5) D. M(13; -3; -7) hoac M(9; -11; 5)
X+2 y-1 z+5

Cau 109. Cho duong thang A: va hai diém A(-2; 1; 1), B(-3; —1; 2). Tim toa d6 diém M

3 -2
trén A sao cho tam gidc MAB ¢6 dién tich bang 3+/5.

Trang 15



Trwong THPT Nguyén Trung Truec Hueéng dan én tdp hinh hoc hoc ky 2 1op 12

A. (-14; =35; 19) hoac (-2; 1; -5) B. (-2; 1; -5) hoac (-8; -17; 11)
C. (-14; -35; 19) hoac (-1; -2; -3) D. (-1; -2; -3) hoac (-8; -17; 11)

Trang 16
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