ST&BS: Th.S Bang Viét Pong Trwong THPT Nho Quan A

On thi TN THPT 2020

THE TiCH KHOI PA DIEN PHUC HQP (VDC)

. KIEN TH(’J’g: CAN NHO:
1. Thé tich khéi da dién

- Thé tich khéi chop : V :%Sd.h
- Thé tich khéi ling tru : V =S, .h.

- Thé tich khdi lap phwong : V = a®, thé tich khoi hgp chir nhat: V =ab.c.

2. Thé tich khéi da dién dwoc phan chia :

+) Khoi chép tam giac :Vs-ﬂ _SA SB SC
V, yge  SA' SB'SC’

VA abcd(l 11 1] SA' SB' sC' SD'
: = +—+—+—|,a = c =

Vs nsco 4 SA SB SC SD
1 1 1 1
—_t—_—=—4—
a ¢c b d
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+) Thé tich khéi ling tru tam giac : Vasc.une :l.(AM +BN cpP ]
recaec 3 \AAT BB' CC’

, v

+) Khéi hgp : —Aecomwee_ _ 1.(’2'\/:', ; Sg', ; gg + 58] :%(MJrﬁj
AM CP BN DQ
AN CC' BB DD’

ABCD,A'B'C'D’ 4
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A

Il. CAC DANG BAI TAP TUONG TU
¢ Khdi da dién cit ra tir mot khdi chop

¢ Khdi chop cut

¢ Khdi hinh hop khac

¢ Khéi lang try khéc

¢ Khdi da dién cat ra tir khdi lang tru

Vi DU: (PE MINH HQA LAN 2-BDG 2019-2020) Cho hinh hop ABCD.A'B'C'D" ¢6 chidu cao bing 8
M,N,P ABB'A’,BCC'B’,CDD'C’ | s

va dién tich d4y bang 9. Goi va @ I3n Iuot 12 tam cua cac mat bén a

DAA'D’ . Thé tich cia khéi da dién 18i c6 cac dinh 1a cac diém A B.C.D.M. NP s Q hang
A. 27. B. 30. C.18. D. 36.
Phdn tich hwéng dén gidi
1. DANG TOAN: Pay la dang toan tinh thé tich khdi da dién.
2. HUONG GIAL:
B1:Tinh thé tich khéi B.EMN theo thé tich khdi hop véi E 1a trung diém canh BB’.
B2:Hoan toan twong tu, tinh thé tich 3 khéi nhd 18 Ve e Vo 6po i Vamo -
B3: Thé tich khéi da dién can tim s& bang thé tich khéi EFGH.ABCD trir di thé tich 4 khdi nhé bang
nhau la VB.EMN ;VC.NFP;VD.GPQ;VA.MHQ '
Tir d6, ta c6 thé giai bai toan cu thé nhw sau:
Lai giai
Chon B
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o

Goi E,F,G,H lan luot 1a trung diém cua BB’,CC’, DD’ va AA'.

Ta co:
V 1Y 1 11 1
(EMN ) “(A/B/C/) = \ﬁ/:: = [E] :>VB.EMN = gVB.A’B’C’ = g'EVABCD.A’B’C’D’ = ﬂVABCD.A’B’c’D’ :
Hoan toan tuong tu,
1
Ve ner :VD.GPQ :VA.MHQ = 4_8VABCD.A’B’C’D’ .

Thé tich khdi da dién can tim s& bang thé tich khdi EFGH.ABCD trir di thé tich 4 khéi nho

b?mg nhau 1a Vg ¢ Ve nep ;VD.GPQ ;VA.MHQ .
V -Ualinl 4 5
Suy ra VMNPQABCD = % _4_8VABCD.A’B’C’D’ = EVABCD.A’B’C’D’ :
. R 5
Ma VABCD.A/B/C/D/ - 89 — 72 nen VMNPQABCD - E?Z - 30 (tht).

Cau 1. Cho hinh hop ABCD.A'B'C'D’ c6 dién tich day bang 9, chiéu cao bang 3. Goi Q,M,N,P, |
la nhiing diém théa man AQ zém,w zém, cN :%W BP :%BT’,@ =%“B'D'. Thé
tich cua khdi da dién 10i ¢6 cac dinh 1a cac diém Q,M, N, P, | bang
A 2L B. 20 c. 4 p. 19,

10 27 3 — 3
Loi giai
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Mt phang (MNPQ) cét hinh hop ABCDA'B'C'D’ theo thiét dién Ia hinh binh hanh EFGH va
taco d((A'B'C'D');(EFGH))=2d((EFGH );(ABCD))

, 2 .
Taco VA'B'C'D'.EFGH :gvo va

1 AB 2.AD . 2 1 1 5
SAEQM = EQ EM.sinE _E TT nA=— 9 SABD :§SABCD = SMNPQ :1_4§:§SABCD .
1 2.5 10 10
VI.MNPQ 3 3 —h—= 9 SABCD = 81V 3 .

Cau2.  Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang 1. Goi M,N lan luot 13 trung diém cua
A'B' va BC. Mat phang (DMN) chia hinh lap phuong thanh 2 phan. Goi V; la thé tich cua phan
chira dinh A va V, 1a thé tich cua phan con lai. Ti s6 Z—: bang
A = B. 2 C. 2 D. =

Loi gidi
Chon D

H

s

o AT
L L

s

i
R
i
s

Goi E = DNNAB, F = EMNBB', H = EMNAA', K = A'D'NHD. Khi d6 (DMN) cat khéi lap
phuong theo thiét dién la ngt giac DNFMK.
BN _EF _BF _EB _1

Tach: —=—="= =loBN=1vaEB=4B=1
EH AH EA 2 2
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EF

Ma M la trung diém ctia FH nén = =22 =25 B2 — 2y pp =2
FBr FM 1 BB 3
ViAH=BFnn =2 g =2 B2 2% 25 yg=2
AAr 3 3 HA AD 4 4
Thé tich khéi t dien HAFD 13: Viy 4pp = %.AD AE.AH = % 1.2.§ = g
X, 4 1 1 2 111 55 89
Thé tich Vi = Vy app — (Ve gen + Viramx) = 5 g(l-g-g"' E-E-Z) Eiad i
Vay 4 =55
1y Vv, 89
Cau3. Cho hinh hop ABCD.A'B'C'D'cé chiéu cao bang 8 va dién tich diay bang 9. Goi
M,N,P,Q,Rva S Ian luot 12 tim cia cac mit ABB'A’, BCC'B', CDD'C’, DAA'D’, ABCD va
A'B'C'D’. Thé tich ctia khdi da dién 16i ¢6 cac dinh 13 cac diém M,N,P,Q,R va S bang
A. 3. B. 24. C.9. D.é.
Loi giai
Chon A
Goi I, J, K, L lan luot 1a trung diém cac canh AA', BB’, CC’, DD'.
Do tam gi4c MIQ ddng dang voi tam gidc B'A'D’ theo ti sb % nén
1 1 9 9 9
SMIQ = ZSB’A’D’ = gSA’B’C’D’ = g Suy ra SMNPQ = Sk _4SMIQ = 9_4'5 = E
Goi h,, h, 1an luogt 1a chiéu cao ciia hai hinh chép RMNPQ, S.MNPQ = h, +h, =8
Thé tich cua khdi da dién 10i c6 cac dinh 1a cac diém M,N,P,Q,R va S bang
1 1.9
V :g(h1+h2)SMNPQ :g. §:3
Phuong an nhidu B: nham Sunpo = S =9-
Phuong an nhiéu C: sir dung cong thire tim thé tich hinh chép quén chia 3.
Phuong 4n nhiéu D: chi tinh Vg 00, KhOng tinh Vg oo -
Cau4.  Cho lang truy ABC.A'B'C’cé chiéu cao bang 8 va dién tich ddy bang 9. Goi M, N 14 hai diém
théa man BM = k.BTB’(k >1), CN =1CC’ (1<0). Thé tich cua tir dién AA'MN bang
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l+k— _
A Ik B. 24. C.72. p. 1tk-1
72 = 210
Lo giai
Chon B

Theo gia thiét BM =k.BB(k >1), CN =1.CC’ (1 <0) suy ra M € BB, N € CC' (nhu hinh v&)
Do BM [|(ACC'A')=d (M, (ANA))=d(B,( ANA)).
Taco S pw = Sacw

Co
1 : 1 : 1 :
Voo = =0 (M, (ANA')).S, ., = =d (B,(ANA)).S yycp = =d (B, (ACA)).Ssacn =Varasc
3 3 3
_Llog-24.
3

Phuong an nhiéu A: Hoc sinh khong biét cach tinh, chon lui va nghi rang dap sé phai c¢6 k1.
Phuong an nhi%u C: st dung cong thire tim thé tich hinh chp quén chia 3. ’
Phuong an nhiéu D: Hoc sinh khong biét cach tinh, chon lyi va nghi rang dap so phai co k, I,
nhung vi hinh tir dién nén s¢ chia 3 .

Cau 5.  Cho hinh hop chir nhat ABCD.A'B'C'D’ c6 day ABCD Ia hinh vubng canh a, AA'=3a. Goi
M va N lan luot 1a trung diém cia A’B’ va BC. Mit phang (DMN) chia khoi lap phuong

dd cho thanh hai khoi da dién. Goi (H ) 1a khoi da dién chira dinh A, (H') 1a khoi da dién con

Y
lai. Tinh ti s6 —"
Viwy
3 B. 2. c. 2 D. 4.
48 - 41 3 5
Loi giai
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E
|
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|
! ]
A M B
| A==
7o AN
,/ : Cl
L] 1 ]
D - : JK
I ! [
I ! /
/ ! I
[ ! [l
1 ! 1
! ! [}
1 ! 1
1 ! 1
1 ! 1
1 ! 1
I 1 /
1 : !
L) L
A - J
I/ . - - - -47N
D C

Chon B
Goi ABNDN=J,BB'\nMJ =K, AAnNJM =Eva EDNAD=1.

Suy ra thiét dién 1a ngii giac DNKMI .

<. : |BJ=CD=a
De¢ thay .
B'K = EA’
' BK =2a
Ta co: ﬁ:ﬂziz BK =2B'K =
BK BJ 2 BK=EA =a
3
, : ID'=—a
ﬂ:ﬂzlj ID'=3IA"=>
ID" AA" 3 ,
IA'==a
4
1 1_ ., 1
V(H) :VEADJ _VEA'IM _VKBNJ :§EA'SAADJ _EEA'SAIA'M _EKB'SANBJ
=l4a.1a.2a—la.i.la.la—i.Za.l.ia.a:Ea3
3 2 3 24 2 3 22 48
55 41
V(H') =V agco.asco’ _V(H) = a2.2a—4—8a3 :4_83'3
\Y/
Suy ra: ﬂzﬁ.
V(H,) 41
Cau 6. Cho hinh lang try ding ABC.A'B'C'cé day la tam giac ABCvudng cén tai A, canh
BC =a\/6. Géc giita mat phing (AB'C)va mat phing (BCC'B')bing 60°. Tinh thé tich
V cua khéi da dién AB'CA'C’.
3 3 3
A a3, g, 33 c. &3 b, &3
2 2 3
Loi giai
Chon A
PT: 0978064165 - Email: dangvietdong.ninhbinh.vn@gmail.com Trang 8

Facebook: https://www.facebook.com/dongpay - Kénh Youtube: Thiy Ping Viét Pong




ST&BS: Th.S Pang Viét Pong Truwong THPT Nho Quan A On thi TN THPT 2020

A C’

B/

-

-
-
-
-
-

-
-
-
-

-
-
~——

Khéi da diéen AB'CA'C'Ia hinh chép B.ACC'A’cé A'B' L (ACC'A').
T gia thiét tam giac ABC vudng can tai A, canh BC =a+/6 tasuy ra AB=AC =av/3.

\/_

Goi M la trung diém ciia BC, suy ra AM L BCva AM =

. [AM 1L BC
Taco
AM 1 BB’
Goi H la hinh chiéu vudng goc cia M Ién B'C , suy ra MH L B'C (2).
Tur (1) va (2) tasuy ra B'C L (AMH ). Tir d6 suy ra goc gitta mit phang ( AB'C)va mit phiang

= AM L (BCC'B')= AM L B'C (1).

(BCC'B’) 1a géc gita AH va MH . Ma tam gidc AMH vudng tai H nén = AHM =60°.

— MH = AM.cote0e= 3Y6 1 _ a2,
2 '3 2
a2
R . ., . —— MH o, 1
Tam giac B'BC dong dang véi tam giac MHC nén suy ra sSihnHCM = ——=—%==—"—
MC aJ6 3
2
—1+tan’ MCH = _1/\ L =§:>tanMCH_‘/_
1-sin®MCH ¢_1 2
3

— BB’ = BC.tan MCH = a«@.%: a3

=V,eene =Veacon = % B'A’.AC.AA' = %.a\/§.a\/§.a\/§ - a’\/3.

Cau7. Cho hinh hop ABCD.A'B'C'D’ ¢6 day ABCD Ia hinh thoi tim O, canh bing a va BAC = 60°.

Goi I, J lan luot 13 tdm cua cac mat bén ABB'A’,CDD'C’. Biét Al = a\/_ , AA'=2a va gbc
gitta hai mat phang (ABB'A’),( A'B'C'D’) bang 60°. Tinh theo a thé tich kh01 tir dién AOIJ.
3./3a° J3a° J3a° \/_ 3a
A. . B. . C. . .
64 48 32 192
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Loi giai
Chon C
12 2 n2
Taco Al2=2A ;AB - Af = A'B? :2(AA’2 +AE;2)—4A|2 —3a’ = AB=a3
o2 2 12 A -/ , A . aZ\/§
Do A'B” + AB” = AA™ nén tam giac A'/ABvuong tai B= S,z = >
2
Tam gi4c ABC déu canhanén S, . = > f

Theo dé goéc gilta hai mat phang (ABB'A’),(AB'C'D’) bang 60°, nén suy ra
25 58-S e SINBO"  a%4/3
VA’ABC = 3AB = )

1 11
Vo :§d(o;(|AJ)).s,AJ =33

' 1 1 1 a3\/§
2 d (B;(B AD))'ESB’AD = ZVB’ABD = ZVA’ABC = 3—2

B sung: COng thize tinh nhanh thé tich tir dién theo goc giita hai mdt phang
Cho tir dién ABCD c6 dién tich tam gidc ABC bang S,, dién tich tam giac BCD 1a S, va gic
gitta hai mit phing (ABC) va (DBC) I3 ¢ . Khi dé ta c6: V,gep = 29’135‘23%

A

Cc
Chirng minh: Goi H 1a hinh chiéu cua A 1én (BCD), ké HI LBC tai I thi AILBC va
((ABC);(DBC))=(Al;HI)=AlH =¢; AH = Alsing
1 1 . 12S . 2SS, sing
V pscn ZEAH Soec :§AI sing.S, :g—B‘é‘C Sing.S, :—13I23C |
Cau8. (THPTQG 2019-MP103-Céau 49) Cho lang tru ABC.A'B'C’'c6 chiéu cao bang 6 va day la
tam giac déu canh bang 4. Goi M, N, P lan luot 1a tm cac mat bén ABB'A’, ACC'A’, BCCB'.
Thé tich khi da dién 16i c6 cac dinh 14 cac diem A, B,C,M, N, P bang

A. 93, B. 103. C. 743. D. 124/3.

Loi giai
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Chon A

A c

Bl
s\ NN .
D NN F
__________ O
E/
A C

B

Goi DEF la thiét dién cua lang tru cit béi mat phang (MNP).
D& chung minh dugc (DEF)//(ABC)va D,E,F lan luot 13 trung diém cua cac doan

thang AA', BB',CC’suy ra Vg per :%VABC_A,B,C, —124/3.

Taco VABCPNM :VABC.DEF _VADMN _VBMPE _VCPMF :

< 11z 1 3
Mat khac V oy =Vawee =Vernr = EVABC.DEF =V agcrm :ZVABC.DEF = 9\/5'

Cau9. Cho lang tru ding ABC.A'B'C’ c6 diy ABC 1a tam gidc déu canh a va AA'=2a.Goi
M, N lan luot 1a trung diém ctua AA, BB’ va G la trong tdm tam giac ABC. Mit phing
(MNG) cat BC,CAlan luot tai E,F. Thé tich khdi da dién c6 cac dinh 1a cic diém
AM,E,B,N,F bing

3 3 3 3
A T8 g 2V3 c &3 p 223
9 9 27 - 27
Loi giai
Chon D
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Cau 10.

K

Goi P 14 trung diém CC' va K 1a diém dong quy cia ba dudng thang CC’', ME,NF , do G la
CK CF

trong tam tam giac ABC nén —=——=2=CK =2NB =2a.
NB FB
2 3 3
Theo gia thiét Vasc apc = 28 2 ;/g = 2 f = Vagcmnp = #
£ LA N 1 1 2 3
Khoi chop K.MNP c6 thé tich 1a Vi e =§.KP.SMNP =§.3a. a f :af;/é =V e e -

Viy thé tich V ctia khéi da dién cé cac dinh 1a cac diém A, M,E,B,N,F bang thé tich khoi
28. 2 \/7
=143
. : 1 1 ( 3 j 2a°\/3
chép K.CEF vaV =V, o ==.KC.S... ==.2a. = .
p K.CEF 3 CEF 3 4 27

Cho liang tru ABCD.A'B'C'D" ¢6 day ABCD Ia hinh vudng canh 2a, AA'= A'D, hinh chiéu
vudng goc ciia A' thudc hinh vudng ABCD, khoang cach gitra hai duong thang CD va AB'

. 6a _. . . N »
bang TO Tinh thé tich khoi chop A'MNP trong d6 M, N, P lan luot 1a trung diém cac canh
CD,CC',DD".
A. 12a°. B. a°. C. 2a°. D. 3a°.
Loi giai
Chon B

*) Goi H la hinh chiéu ctia A' 1én mit phang (ABCD); I, K lan luot 1a trung diém cia
AD,BC va O la tdm hinh vuéng ABCD.

Tacé A'H L AD,A'K L AD (Do A'H L(ABCD) va A'A=A'D)nén HK L AD

Ma OK L AD nén suy ra ba diém H, O, K thang hang va theo giai thiét ta dwoc H thudc
doan IK.

Theo gia thiét H thudc hinh vuéng ABCD nén H tring K hodc H trang 1.
Trwong hop 1: H trung véi K.
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*) Ké HF L AA', v6i F thudc doan A'A

D& thy: HA = BZC a va AB L (A'AH)= AB L HF nén

HF L(ABB'A") =d(H,(ABB'A"))=H
Taco d(CD,AB'):d( (ABB'A"))(d CD//(ABB'A'))

3a
=d(C,(ABB'A’")) = d BB'A')) =2HF . Nén HF =—.
(C.(ABB"A) = oo (H, (BB AY) =
. . . 1 1 1
* X AA'H =
) ét tam giac co HE? AH2+A'H2
1 1 1 10 1 1

= = - = -—=—>=AH=3
A'H? HF?> AH? 9a’ a? 09a’

*) Ta €6 Vagep amccn = A'H.Spaco =3a.(22)" =12a°
Lai ¢6 Vyaeo perccn =0 (A (CDD'C')).Seppe

1 1 1 1 1 1 1
=4.d(A"(CDD'C")).Sp (A0 Scopc: =4SMNP):12.§d(A ,(CDD'C")) Sy =12V,
T d6 suy ra 12a° =12V, = Ve = 2
Truong hop 2: H = |, twong tu truong hop 1, két qua V.., = a°.

Dl

Cau 11. Cho khdi chp tir gidc déu S.ABCD c0 tat ca cac canh bang a, O la tam cua day. Goi (P) 1a

mat phang di qua S, song song voi BD va cach A maot khoang bang 3a1\(/)170. Mt phang (P)
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chia khdi chép S.ABCD thanh hai khéi da dién, trong d6 khdi da dién chira dinh A c6 thé tich
V, va khéi da dién con lai c6 thé tich v,. Biét mat phang (P) cat doan OC tai | . Tisd Vi

2

bang:
A. 5. B. 6. c7. D. 8.
Lo giai

Chon C

Tacoé SO L(ABCD)= SO LBD.

bay ABCD Ia hinh vuéng = AC L BD, tir day suy ra BD L (SAC).
Ma (P)//BD =(P)_L(SAC).

Mit khac (P)nAC =1, suy ra =(P)(SAC)=SI.

Goi H 14 hinh chiéu vuéng goc cua A trén Sl

Sa\/l_O
10

= AH L(P)= AH =d(A,(P)) =

AC
Tacé AO = = # = S0 = % (&p dung Pi-ta-go cho tam giac vudong SOA).

a2

bat Al =X, {AO<AI <AC:>¥<x<a\/§]:>OI =X—T.

— Sl =y/a’ + x> —ax+/2 (&p dung Pi-ta-go cho tam giac vuéng SOI ).
D& thay cac tam giac vudng SOl va AHI dong dang (chung goc (ﬁﬁ).

3a\10 [
AH Al AH.SI o Vated-anz 2
S = S A= o < 4x2-9a+/2x+9a% =0
SO sl SO av2
2
L _3a2
= 2 <:>x:3a\/§ (do a\/§<x<a\/§).
32 4 2
4
PT: 0978064165 - Email: dangvietdong.ninhbinh.vn@gmail.com Trang 14

Facebook: https://www.facebook.com/dongpay - Kénh Youtube: Thiy Ping Viét Pong




ST&BS: Th.S Pang Viét Pong Truwong THPT Nho Quan A On thi TN THPT 2020

a2 Cl 1

=Cl =AC-Al =22 D thdy —
4 co 2

Tur | ké duong thang song song véi BD cat BC, CD lan luottai M va N .
_CM _CN_MN_Cl _1
CB CD BD CO 2

= Al =

3a+/2
4

= ACMN déng dang vsi ACBD theo ti s

l\)ll—\

S 1Y 1 1 1S 1
Vay ﬁ:(zj :Z = Sewn = 4SCBD Z% :gsABCD'
e 1 1 1
Khi do V, =V, ¢y :g'SO'SCMN =§.SO ) S ABCD 8'VS.ABCD'
7
Suy ra V; =V pgep —Vs zg-vs.ABCD :
Vay V— =
V2
Cau 12. Cho hinh lang try déu ABC.A'B'C'c0 tat ca cac canh bang 1. Goi E, F lan luot 1a trung diém
AA'va BB'; duong thang CE cat dudng thang C'A'tai E', dudong thang CF cit dudng thang
C'B'tai F'. Thé tich khdi da dién EFA'B'E'F’ bang
a B g, V3. c. B p. 33
6 2 3 12
Loi giai
cr
C
B
Thé tich khéi lang tru déu ABC.A'B'C'la
, \/_ f
Viasc.aec = Spac-AA =
; A A TA \/§ . Ry - .
Goi M la trung diém AB =CM L(ABB'A’)va CM = Do d6, thé tich khoi chop
C.ABFE la
V, —ES CH = 1 \/_ \/_
C.fBFE 3 C.ABFE* 3 2 2 12
Thé tich khoi da dién A'B'C'EFC la
v _y v Y3 B_3
A'B'C'EFC ABC.A'B'C’ C.ABFE 4 12 6
11 ‘R =’ nA ' m! ’ m! \/§
Do A'la trung diém C'E’nén d (E',(BCC'B'))=2d (A, (BCCB")) :2.7:@.
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SCC’F’ = SF’B‘F + SFB’C’C = SFBC +SFB’C’C = SBCC’B’ =1.

Thé tich khéi chop E'.CC'F'la

1 , o 1 \/§
Ve cer :gsccp-d (E ,(BCC B )) Zg.l.f :?_
Thé tich khéi da dién EFA'B'E'F’ bang
_V3_V3_ V8

v =V cop =V -
EFA'B'E'F’ E'.CCF’ A'B'CEFC
3 6 6

Cau 13. Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bang 6, dién tich day bang 8. Goi M Ia trung
diém AB. Mat phang (A'C'M) cat BC tai N . Tinh thé tich cta khéi da dién c6 céc dinh la

D,M,N,AC".
A. 10. B. 18. C.12. D. 24.
Loi giai
Chon B
|
A M
,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,, B
N
D C
A'll """"""""""""""""""""""""""""""""""""""""""""" B’
D' - (o3

Trong mp(ABB'A’) goi | =BB'nA'M
Trong mp(BCC'B') goi N=BCnIC'
Goi S,h lan luot la dién tich day va chiéu cao ciia khdi hop ABCD.A'B'C'D’

. 11 1 . 11 1
Ta C0 VI.A'B'C' ZEESZh :§Sh Va VI.BMN :§§Sh :ﬂSh

1 1 7 7
Suyra =V, =Vouueac = §Sh _ﬂSh = ﬂSh = ﬂv

Ta Cé V2 :VD.D'A'C' :%-%.S.h :%S.h :%V ;

11 1 11 1
V3 :VAV_ADM :§ZSh :EV , V4 :VC'.DCN :§ZSh :EV
. 7 1 1 1 9
DO dO VDMNC’A’ :V _Vl —V2 —V3 —V4 :V —ﬂV —EV —EV —EV :—24V :18
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Cau 14. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi Ela diém d6i xing véi
Cqua Bva Fla diém thoa man: SF =-2.BF. Mat phing (DEF)chia khéi chop
S.ABCD thanh 2 khoi da dién, trong d6 khéi da dién chira dinh S ¢6 thé tich V,, khéi da dién

. V.
con lai c6 thé tich V, (tham khao hinh v&). Tinh ti s6 V—l
2

§

3 12
A —. D. —.
5 7
Loi giai
ChonC

Goi G 1a giao diém cua EDva AB, H la giao diém cua EF va SC.
Vi Bla trung diém ciia EC va SF =—2.BF nén F Ia trong tam ASEC suy ra H Ia trung

, 1 1
diém cua SC, trdo suyra V, ,,op = EVA.SCD = ZVS.ABCD .
1
Tacd EC=2ADva EC// ADdo @6 Ve ueo =NVanen = EVS.ABCD'
VE.FBG_EB EG EF _EEE—E:V —EV :iv
Ve EC EDEH 223 6 EFBG ~ 5 VEHCD ~ 15 VS.ABCD
1 1 5
Vv, :VE.HCD _VE.FBG :_VS.ABCD ~ 2~ Vs.ABCD ~ ;A VS.ABCD -
2 12 12
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5 7
Vl :VS.ABCD _E S.ABCD :E S.ABCD *
. V1 7
Vay —==—.
V2 5

Cau 15. Cho khdi lang tru ding ABCD.A'B'C'D’ c6 day 1a hinh thoi canh bang a, chiéu cao bang a,
g6c BAD =120°. Goi O la giao diém cia CA’ va AC'. Goi cac diém M , N, P, Q, R, S
lan luot d6i xang véi O qua cac mit phang (ABCD), (A'B'C'D'), (CDD'C’), (ABB'A),
(BCC'B'), (ADD'A’). Thé tich khdi da dién 16i tao boi cac dinh M , N, P, Q, R, s bing

3 3 3
A. 3% . B. 3% . C. a \/é. D. 2+/3a°.
4 2 2
Loi giai
Chon C

TacOPQ _L(ABB'A"), RS L(BCB'C’)
= (PQ,RS) =((ABB'A"),(BCCB’)) =(BA,BC)=60°.

. ) " a3
Lai c6 PQ =4.d (O,(ABA'B')):4.§.d(D,(ABAB )) = 2.AD.sin 60° —2.a.7—a 3.

3
Tuong tw RS = 4d (O,(ADA'D')) = 4%.d (B,(ADA'D')) = 2.AB.sin 60° = 2.a.§= av3.
3J/3a’
7
Mat khac MN/CC" ma cc’ 1 cB; CC' LCD ; MN LRS = MN L (QRPS)
D& thiy (QRPS) la mat phang doi xung cia hinh bat dign QRPSMN

1 1 3J3a% 3
:VQRPSMNZZ'VM.QRPS =2'§MO'SQRPS:2-§-a- 2 = >

1 3
= Sopes :%.QP.RS.sin (QP,RS) = E.a«/é.a\/é.gz
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Cau 16. Cho hinh chdp S.ABC c6 chiéu cao bang 8va dién tich day bang 9. Goi M la trung diém cua
SA, E,F1a diém thoa mdn AE =2AB, AF =2AC . Mat phang (MEF )cat SB,SC lan luot tai
N, P . Thé tich cta khéi da dién 18i c6 cac dinh 1a cac diém A, B, C, M, N va P bang

A.g. B.ﬁ. C.ﬁ. D. 18.
8 5 - 3
Loi giai
Chon C

Do AE =2AB, AF =2AC suy ra B,C lan luot 13 trung diém AE, AF nén BC//EF .
C6 (MEF)> EF,(SBC) > BCsuy ra (MEF ) (SBC)=NP, N =SBNEM, P=SC ~FM va

NP//BC/IEF .

Taco Vg pgc = %.9.8 =24.

Do N, P lan luot 13 trong tAm cac tam giac SAE, SAF suy ra 2—: =—=—.

ComVome 122 2\ 2, 16
Vie 233 9 ' 9 3
Suy ra Thé tich cua khdi da dién 16i co cac dinh 1a cac diém A, B,C, M, Nva P bing
24 10_56
3 3 ,

Cau 17. Cho hinh chop S.ABCD c6 day ABCD Ia hinh chit nhat v6i canh AD =2CD . Biét hai mat
phang (SAC), (SBD)ciing vudng goc véi mit ddy va doan BD =6; goc giita (SCD)va mat
day bang 60°. Hai diém M,N lan luot 1a trung diém cta SA,SB. Thé tich khdi da dién
ABCDMN bing

A 12815 5 16V15 o 1815 o 10815
T ST C — ST
Loi giai
Chon C
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Goi O =ACNBD. Do (SAC) L (ABCD),(SBD) L (ABCD) = SO 1 (ABCD).

Theo tinh chét hinh chit nhat: AD? +CD? = BD? < 5CD? =6° < CD :iva AD =£.
J5 J5
Khi d6 dién tich day: S5, = AD.CD = %
Goi | 1a trung diém cua CD. Do CD L SO,CD L Ol =CD L(SOl)=CD LSl
= ((SCD),(ABCD))=(SI,01)=SIO =60°.
Trong tam gi4c SOI vuong tai O, Ol =22 — 8§16 —60°cé: SO =0l tan 60° =@.
2 5 J5
Thé tich S.ABCD la V ZE.SABCD.SO 12 63 = 144415 :
3 35 5 25
. %
Taco VS.ABD :VS.BCD :E-
1 1 1
Do SASMN = _SASAB :>VSMND :_VSABD =-V.
4 4 8
Do N I trung diém cua SB = d(N,(SCD)):%d(B,(SCD)) = Veeon :%VSBCD :%V .
3 3, 5., 18/15

Ta c0: Vs comn =Veuno +Vcon =§V = Vagcomn =V _gv :gv 5

Cau 18. Cho khéi lap phuong ABCD.A'B'C'D’ ¢6 canh 13 10cm, goi tit 12 khéi (L). Mit phang (a)
vubng goc vGi AC' va cat canh BC tai M voi MB < MC. Khi d6, néu thiét dién cua (a) va (L)
c6 dién tich 12 74+/3cm? thi phan (L) nam giita (a) va (A'BD) c6 thé tich 1a

A. 484cms3, B. 408cm3. C. 5‘;—8cm3. D. 73ﬁcm3.
Loi giai
Chon D
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Tacd A'B L (AB'C'D) = A'B L AC', BD 1 (AA’C'C) = BD 1 AC'. Tiac AC' L (A'BD). Do

d6 (a) = (A'BD) hoic (a)//(A'BD).

a) Néu M = B thi () = (A’BD). Lic nay khong c6 phan (L) nam giira (a) va (A'BD).

b) Néu M khac B thi (a)//(A'BD). Lic nay thiét dién cua (o) va (L) 1a luc gidc MNPQRS
MN,QR//BD

nhu Hinh 1, trong 46 {NP,RS//A'B .
PQ,SM//A'D

bPit BM = a, didu kién: 0 < a < 5(x), ta dugc CM = 10 — a.

a . M __10-a

SM _ a A _ \ _ _
Do =—va— = — nén SM = a2 va MN = (10 — a)V/2.

Tuong tu, ta dugc SM = NP = QR = av2 va MN = PQ =RS = (10— a)v2.
P

N

S

Hinh 2
Goi H 1a giao diém cua MS va NP, K 1a giao diém cua PQ va RS (tham khao Hinh 2) ta dé
dang thdy MNH, QRK,SPH, SPK 1a cac tam giac déu, SP = MN + QR = 10+/2.
Do SMNPQRS = Sspn + Sspxk — Sunn — SQRK

= [(10v2)" + (10v2)" - (6v2)" - (2)"] 2

= —a?V3 + 10aV3 + 50V3
nén ta c6 phuong trinh —a?v/3 + 10av/3 + 503 = 74+/3. Tim duoc a = 4 (a = 6 bi loai vi
khéng thoa (*)).

Hinh 3
Goi Ay, By, Dy lan luot 13 giao diém cua (ar) va cac tia AA’, AB, AD (tham khao Hinh 3).
Xét tam giac A’A;Q: Do A’ =90°,Q = 45°,A'Q = 4nén A'A, = 4.
Tuong tu, ta dugoc BB, = DD, = 4.
__ 500

Ta Cé + VA.BDA' - T
+ Vi roa, = % (do A'R,A’'Q, A’A; d6i mdt vudng goc véi nhau va cling bang 4) .
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32
Tuong ty, ta duoc Vg g us = Vonp,p = 7

2
+Vapipia, = % (do AB,, AD,, AA, d6i mdt vudng goc véi nhau va ciing bang 14) .

Tém Ial, thé tiCh mé ta C?ln tinh Ié V = VA.BlDlAl - VA.BDAI - 3 VAI.RQA1 = T ( Cm3) .

Cau 19. Cho hinh hop ABCD.A'B'C'D’ c0 thé tich 1a 2020 . Trén canh AB liy diém M khac A va
B. Goi (P) la mat phang di qua M va song song véi mat phang (ACD’) chia khoi hop
thanh hai phan va cat hinh hop theo mét thiét dién c6 dién tich Ién nhat. Tinh thé tich phan khoi
hop chira canh DD’

A. 1010. B. 2020, C. 505. D. 2%
3 2
Loi giai

Chon A
Trong mp(ABCD), qua M V& duong thang song song v6i AC cat DB, BC lan luot tai E,
N
Trong mp(BDD'B’) qua E V& dudng thang song song véi b'0 (O=ACNBD) cit B'D'tai
F.
Trong mp(A'B'C'D’), qua F V& duong thang song song véi AC cit AD’, D'C’ lan luot tai
R va Q.
Trong mp(AA'D'D), qua R V& duong thang song song véi AD’ cat AA’ tai S .
Trong mp(CC'D'D), qua Q v& dudng thang song song véi D’ cit cC’ tai P
Thiét dién 1a luc giac MNPQRS.
Do cac mat d6i dién cua hinh hop song song nén cic canh ddi cua luc giac thiét dién
MNPQRS song song va 3 cap canh d6 lan luot song song véi cac canh tam gidc ACD'.
— Cé4c tam giac JKI, AcD', RQl, JMs , NKP ddng dang

MI MA NC NK PC PK QD QI \ PK =0l

MN MB NB NM PC'" PQ QC" QP
= Céac tam giac RQI, JMs , NKP bang nhau, goi di¢n tich ctia ching 12 S, va goi dién tich
c4c tam giac JK1, ACD' lanluot 13 S,, s .
Dit %:k;tacédiéu kien 0<k <1 va co:

2 2 2 2
S AC NJ CD AB
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2 2 2
S_=(JKj :[JM +MKj =[JM +MK) =(k+1)2:>32=(k2+2k+1).8.

s (AC AC AC AC
= Dién tich thiét dién: S, =S, —3S,
2
1 3 1 3S . 1

S, =2S(-k*+k+=)=2S|=—|k—=| |<= (dAubingxayra < k = =

td ( 2) {4[ 2)} 2(a ang xay ra < 2)

s 16n nhit < k:%«: M 14 trung diém cua AB. Khidé s, R, Q, P, N lan luot la trung
diém cua cac canh AA’, AD’, D'C', C'C, CB Va B:E:E=l.

1J ID IK 3

Céc khdi chop 1.RQD’, AMsJ, c.PNK c6 thé tich bang nhau ta goi thé tich d6 1a V.
Ta co:

1 , 11 R | 1 2020 505
\A =§d (l ;(RQD ))'SARQD' ZE-Ed (D;(A B'C'D ))'gsA’B’C’D’ :4_8VABCD.A’B’C’D’ :4—826.

Goi v la thé tich phan khéi lang tru chira canh DD’.
Vieonr 1 V, 1
Do R - - — 1 =—<:>V:24V1:24.%:1010.
Viox 27 N +V 27 12
Cau 20. Cho khoi lang tru tam gidc déu ABC.A'B'C’. Cac mit phang (ABC') va (A'B'C) chia khoi

lang tru d& cho thanh bén khéi da dién. Ki hiéu H,, H, lan lugt 1a khdi c6 thé tich 16n nhét va

. . . ) V .
nho nhat trong bon khoi trén. Gid tri cia \% bang
(Hz)
A 5. B. 3. C.2. D. 4.
Léi giai

+ ACCNhAC=E, BC'nBC=F.
+Taco: V :VABC.A’B’C’ :VEFBAA’B’ +VEFABC +VEFA’B’C’ +VCEFC’ :Vl +V2 +V3 +V4-

1
+) Vewpce = §V :
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Cau 21.

9 Veeee: _ CE .CF :l_izi =V, =Veere ZE.EV :iv .
Veager CA"CB" 22 4 4'3 12
3 31, 1
+) Vs =Ve eram :Z'\/C’.CA’B’ = ng :ZV .
1
+) V, =Venere =Veeraw = V2 =Vs :ZV .
1 1 1 5
+) Vi =Vergae =V _EV _ZV _ZV = EV .
1,,. ., _5
+)SuyraV,,, =V, = EV Vi) =V _EV .
5
Vi) _12"
+ Do d6 —* ==4—=05.Chon dap an A.
(H)  —V
12

Cho hinh 1ap phuong ABCD.A'B'C'D’ c6 canh biang 15, mot mit phing («) cét cac canh
AA’, BB', CC', DD’ lanluot tai M, N, P, Q. Biét AM =5, CP =6. Thé tich khéi da
dién A’'B'C'D'.MNPQ la

A. @ B. E C. 2250. D. 2475.
2 2
Lo gii.
Chon A
A’ B’
Y
L
, L
b AT B,
PR
Q r== 4

D C

Goi 0,0’ lan luot 1a thm hinh vuéng ABCD va AB'C'D’.

Dé& thay tr giac MNPQ 14 hinh binh hanh. Goi | la tim caa MNPQ = | thudc doan thang
00'.

X&t hinh thang ACPM ¢c6: Ol :MZ%.

Goi O, la diém d6i xang ciia O qua | = 00, = 201 =11<15 nén O, thugc doan OO’ .

Goi (P) lamit phang qua O, va song song véi (ABCD).

Khi d6 (P) cit AA, BB',CC',DD' tai A, B, C, D,. Khi d6 | Ia tdm cua hinh hop
ABCD.ABC,D,.

A 1 1 2475
Vay Vasco g = EVABCD.AiBlchl = 5-152.11 = —
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2475 4275

2 2
Cau 22. Cho khéi da dién nhu hinh vé bén. Trong d6 ABC.A'B'C" 1a khéi lang tru tam giac déu co tat

A _ _ 13
Vay VA'B'C'D'.MNPQ _VABCD.A'B'C'D' _VABCD.MNPQ =15

ca cac canh déu bang 1, S.ABC Ia khéi chop tam giac déu c6 canh bén SA = % M3t phang

(SA'B")chia khéi da dién da cho thanh hai phan. Goi V, la thé tich phan khoi da dién chua
dinh A, V, la thé tich phan khéi da dién khong chira dinh A . Ménh dé nao sau day dang?

A. TV, =5V,. B. 3V, =V,. C. 24V, =5v,. D. 4V, =V,.
Loi giai

Chon B

Dung mit phang (S.CC'QP) nhu hinh v& véi Pva Q 1a trung diém AB va A'B’

:
Goi H va H' 1a chan duong cao han tir S xudng (ABC) va(A'B'C"), khido Hva H'la
trong tam hai tam giac day.

Goi K 1a giao diém cua CPva SQ, qua K ké duong thang song song véi ABcit AC va BC
tai MvaN .

Mit phang (SA'B") cat hinh lang tru theo thiét dién 1a hinh thang A'B'MN .

3

D¢ dang tinh duoc: SH :%; HP=H 'Q:%CP:?;
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Cau 23.

Hk =1proo1¥3 3.
4 46 24
PK = HP - HK =£—£=£; MN =2
7 6 24 8 ’ 4
Goi V lathé tich cua toan bo khoi da dién ta co
V =Vage apc Vs asc =£'1+1'£'£=ﬂ
' ' 4 33 4 18
Vi asun :EBB'.SABMN :—.1.3(1+§)£:@
‘ 3 3 2 48 192
Vi oy = —d(B: (ACCA.S =%.§%.1.%=4£§
Vs agnm ZESH'SABNM :113(1+§)£:@
' 3 332 4 8 576

73 N3 743 543
Vi=s—t—+——=—-
192 48 576 72
5V3 53 _5V3
18 72 24

Tur do6 suy ra 3V, =V,,.

V,=V -V, =

Cho khdi da dién 16i (H)gdm céc dinh A B,C,M,N,P trong d6 hai mit phang (ABC)va
(MNP)song song véi nhau, AABCva AMNP la cdc tam gidc déu. Goi M',N’,P’lan luot 13
hinh chiéu vuong géc ctia M, N, P 18n mit phang (ABC).Biét M’,N’, P’ lan lugt 1a trung diém

cic canh AB,BC,AC, ((MNNM'),(BMN))=45", MN =a. Thé tich cua khéi da di¢n 1i

(H)bang?
3 3
A B2 p, &3
8 2
Chon A
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Goi E, F lan luot 13 trung diém cia MN,MN'.

Dé dang thay duoc (m) ~FEB=45.

Suy ra: FE = FB:MM’:%BP’:%.%\Ezﬁ

a3 a’y/3 _ 3a°

2 4 8

Thé tich cta khdi lang tru MNP.MNP'Ia: Vo ynp = MM 'S i = (dvtt).

Ta co: V(H) =Vinemne + Ve unm- (l) :

A “ 2
bong thoi Vg ywm: = Ve = EVMNP.M NP’ (2)

\ , 2
TII (1)1(2)Suy ra V(H) :VMNP.MN’P’ + 3'§VMNP.M NPT 3VMNP.MN’F” '

. 3a’ 9a’

Cau 24. Cho hinh chép S.ABCD c6 chiéu cao bang 12 va dién tich day bang 27 . Pay ABCD Ia hinh
binh hanh. Goi M, N, E, F lan luot 1 trong tdm cac tam giac SAB, SBC, SCD, SAD.
Tinh thé tich khéi da dién 15i c6 cac dinh la cac diém M, N, E, F, A, B, C, D.
A. 52. B. 88. C. 60. D. 68.
Loi giai
Chon D
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Chiéu cao khdi chop S.ABCD la h=12 va dién tich day 14 S=27. Goi A, B', C', D' lan
SA_SB' SC'_sD' 2

SA SB SC SD 3

luot 14 cac diém ndm trén cac canh SA, SB, SC, SD sao cho

Dién tich hinh binh hanh A'B'C'D’ 1a S’ = % % S =g.S
1 14 1
Dién tich tam giac B'MN bang =S'==.—S =—
8 89 18

. . . 11_1 1

Thé tich khoi chép B.B'MN laV,=—.—S.—h=——r.
318 3 162

. . . 1

Thé tich khoi chép cut A'B'C'D".ABCD laV'==S.h 1 ﬂS 2h =§Sh
3 39 3 81
Thé tich khéi da dién 16i can tim 1AV =V' -4V, s L on-len-17 5715 68,
7 81 162 81 81
Cau 25. Cho hinh lang tru ABC.A'B'C’ ¢0 thé tich V, | thudc canh CC' sao cho CI =4IC’. Goi M ,

N lan luot 1a diém dbi xtmg cia A’, B' qua | . Tinh theo V thé tich cua khéi da dién
CABMNC'.
ALy 5 o = 0 8.

3 5 5
Chon C
Ta Cé VCABMNC’ :VC’CMN +VC’CMB +VC’CAB +VC’CAN
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Dé thay: Ve =§v :
Do | 1a trung diém A'M nén d (M ;(BCC'))=d(A;(BCC')), nén

1 1 1
o =§d (M;(BCC')).Sgee ==d (A;(BCC')).Specr =§d (A;(BCC'))Speer =Vaasee =§v

-

V,

w

1
Tuong tu: Ve = §V

Do tinh déi ximg, ta c6 AIA'B' = AIMN

Ve =Venn +Vemn =§d (C";(IMN)).S +%d (C:(IMN)).S
=§d (C";(1A'B')).S\xe +%d (C:(IAB)).S e
Vay Voasune: =Veoun +Veous +Vecas Vo =§V

Cau 26. Cho hinh chdp s.ABCD co6 day ABCD la hinh vudng canh a, ASAB déu va nam trong mat
phang vudng goc day. Goi M , N, P, Q, R, T lan luot 1 trung diém cac doan thang AB,
BC, CD, DA, SB Vva sc. Thé tich (tinh theo a) cua khéi da dien MNPQRT biang bao nhiéu?

3 3 5a3 a3
A. 53\/5. B.a‘/é. C.—. D. —.
96 96 96 96
Loi giai
Chen A

B C
R . s av3
Dé dang chirng minh dugc SM L (ABCD) va co SM :T\/—'
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Ta phan chia khéi da dien MNPQRT thanh hai khéi chép T.MNPQ va M .NRT .

[Xét T.MNPQ:
: 1 a’ d(T:(ABCD)) h CT 1 M a3
Dé thiy S =—S =— va = = =" =h =" =Y (i
€ thay “uneq o nBCD T, d(S;(ABCD)) SM_CS 2 h; 5 4 (V&
h. 1a d6 dai duong cao ké tx T cua T.MNPQ).
-\ _18 _1 3.2 a\/é_a3\/§
Suy ra: T.MNPQ_é' MNPQ'hT —é-?.T— TR
[IXét M .NRT :
Dé thay: ’
1(SAB) L (sBC) theo giao tuyen SB, V& MK L SB tai K = MK L (SBC)=(NRT) va
1 1 1 4 4 16 aV3
= + =—+—=-—>=>MK=—= (ASMB vudng tai B, duong cao MK ).
MK2 MBZ MS2 a% 3a% 3a2 4 ( gla uwong )
~ . . S 1 2 11 a2 7
[JASBC wvudng tai B va —AWT | = | —§ —=-.-SBBC=— (ANRT ~ ASCB theo ti
ASBC 2 4 2 8
s6 dong dang la %).
1 1a’ a3 a3
Suy ra: Vy wrr :g.SANRT_MKzé_E_TZ =
& 1A a’3 a3 5a%\3
Ket luan: Vinpgrr =Vrwmieq +Viuner ==~ + =g~ =~

Cau27. Cho hinh hop ABCD.AB'C'D’ c6 thé tich v , goi M , N 1a hai diém théa man D'M =2MD,

C'N =2NC, duong thing AM cét duong A'D’ tai P, duong thing BN cét duong thang B'C’
tai Q. Goi v’ 1a thé tich cua khéi da dién 16i co cac dinh 1a cac diém A, B, P, Q, M, N.

!

Tinh ti sb V—.
V

Al B 4 c. 3 D. 2.
3 A 4
Loi giai
Chon A
Taco: V'=Vpupone' *Vapm sen
I o Q

~ -

Theo gia thiét:
D'M =2MD =M nim trén doan D'D va D'M :%D’D.
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C'N=2NC =N nim trén doan c'C va C'N =§C'C.

Vemorone' d(D',(NQC)) Sngc: _ Snoc

*) Ta cé:

V. d(D,(BCC'B'))Spcce  Ssccwm

B c H
Trong (BB'C'C) qua N ké HK wvudng véi BC, B'C’' (H e BC, K e B'C').
BC// B’C':&:£:2:> NK =2NH , NH :lHK.
NH NC 3
BC//B’C’:>£:C—N:2:>QC’:ZBC.
BC CN
1 , 1 11 2
SQNC' =§NKQC =§2NHZBC =4§§ HKBC ZESBB'C'C'
VPMD’QNC’ 2 2
Tu d6 ta dugc: ———=—=>Vouo one ==V
C v 3 PMD'QNC’ g
Viom & Sao S,p 1DM 12 1
*) Tuong ty; ~ADMECN _ SADM _ OADM = L SV =EV.
Vv Saoon  2Sxpp 2 DD 23 3 - 3
2 1 V'

Khido: V'==V +=V =V . Viay —=1.
3 3 \Y

, . Snoce!
Ghi chi: C6 thé tinh ti s6 —N2C" theo cach khac nhu sau:

Secew

SoNC! C' ON 2\ 4 4

o Q0 Q :H =2 s Sone =2 Samen (1)

osg QB QB \3) 9 5

Seey CN 1 11 5
—:—:—:>S :——S , ':>S o~ :_SBBICI 2
Sea CC 3 CBN T35 7BCC'B'= BECN ~g (2)

Sane

Tir (1) Va (2) suy ra —2 _45_2

Cau 28. (THPTQG 2019-Mb101-Cau 47) Cho lang tru ABC-A'B'C'cd chiéu cao bang 8va day 1a tam
gidc déu canh bang 6. Goi M, Nva P lan lvot 14 tAm cla cac mdt bén ABB'A', ACC'A'va
BCC'B'. Thé tich cla khdi da dién [6i cé cac dinh la cac diém A B,C,M,N, P bang

A. 2743. B. 21./3. C. 304/3. D. 364/3.
Loi giai
Chon A
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Goi A,B,,C,lan luvot 13 trung diém cla céc canh AA',BB',CC".
Khéi Idng tru ABC.AB,C, c6 chiéu cao 1a 4 1a tam gidc déu canh 6.
Ba khéi chdp A AMN, BBMP, CC,NP déu cé chiéu cao |a 4 va canh la tam gidc déu canh

_6\3 19\/—4 273

4-35-5%
4 3

3Taco: Vge we :VABC.AlBlcl _(VA.AiMN +VB'BIMP +VC-C1NP)

Cau 29. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang 1. Goi M, N, P, Q lan luot 13 tim cac
hinh vuéng ABB'A’, A'B'C'D’, ADD'A’ va CDD'C’. Tinh thé tich tir dien MNPR, véi R 1a
trung diém BQ.

1 V3 V2 1
A = B. 2= c.X=. D —
12 12 24 24
Loi giai
Chon D
z
A’ D
11 N
’ f’: ///l\ c'
B ™ - t
/ ’ 1 AY
! g I N
! /fl I
! - : 1 ._—-)P
Ml ==~ ’ Q
ﬁ\ : 1 /, -
/ ™ 1 ’ -~
/ 4 1/ ’,’
! 7’ -
/ 1 \\\;’f’
S¥ ]
)/ AL =R - | S
/ P e D
b ST
Bl z*®
N C

Chon h¢ tryc toa d Oxyz nhu hinh V&, trong d6 A=0(0;0;0), B(1,0;0), D(0;10),
A'(0;0;1), C(3,30), B'(3,0;1), D'(0;11), C'(L,11).

Theo gia thiét, tacoé: M| =;0;= |, N 1,11 P Oll , Q l;1;l , R §;i;1 :
2 2 2 2 2'2 2 2 4 2 4

Taco MN = 0—— 1lo) mro(Ltd
2'2’ 4 2 4
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Suy ra Vi, o = %.[W;W}W‘ 1

Cau 30. Cho hinh lang tru tam gidc déu ABC.A'B'C’ €O tat ca cac canh bang 1. Goi E, F lan luot 12
trung diém cac canh AA’ va BB'; duong thang CE cat duong thang C'A’ tai E', duong thang
CF cat duong thang C'B’ tai F'. Thé tich khoi da dién EFA'B'E'F’ bang

3 3 3 3
N 5. 3. c. B p. 2
6 2 3 12
Loi giai
Chon A
o
c
B
Thé tich khéi ling try tam gidc déu ABC.A'B'C’ 1
V3. 3
Vige aper = Spge - AA =—1=—.
ABC.A'B'C ABC 4 4
. \ .2 . 3
Goi M la trung diém AB. Suyra CM L(ABB'A’) va CM =
Thé tich khéi chop C.ABFE la
1 1,143 3
VC.ABFE =§'SABFE CM =§1§7=E .
Theé tich khoi da dién A'B'C'EFC la
Y v V3 V3 43
AB'CEFC — VABC.ABC' ~ VC.ABFE T_E—_-

Ta dé dang ching minh duge A’ va B’ lan luot 13 trung diém cua C'E’ va C'F’.
Theé tich khoi chop C.C'E'F’ la

1 1 .1 V3. B
7 ’ VC.C'E'F' =§'SC'E'F"CC :§'4'SC’A’B"CC 5 4 T 1—?
Khi do, thé tich khoi da dién EFA'B'E'F’ la
BB
VEFA’B’E’F’:VC.C’E’F’ -V

AB'CEFC — 3 6 6

Cau 31. Cho ling tru ABC.A'B'C’cH chiéu cao bang 8va dién tich day bang 9. Goi M,N,P,Qva
R lan luot 14 tAm cua cac mat ABB'A;, BCCB', CAA'C’, ABCva A'B'C’. Thé tich cua khéi da
dién 16i ¢o céac dinh 1a cac diém M, N,P,Qva R bang

A. 6. B. 12. C. 9. D. 36.
Loi giai
Chon A
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=7 M . =7z 14 1 A 1
Do tam giac MNP dong dang voi tam giac A'C'B’ theo ti so 2 nén Sy = ZSA,CB, = %

Goi h,, h,lan lugt 12 chiéu cao ctia hai hinh chép R.MNP, Q.MNP = h, +h, =8.
Thé tich cua khbéi da dién 16i c6 cac dinh 1a cic diém M,N,P,Qva Rbang

1

V=2 () Sy =3 8.2 =6.

Wl
N|©

Cau32. Cho lang try dimg ABCD.AB'CD’ c¢6 day la hinh thoi c6 canh bang 4a,
AA' =83, BAD =120°. Goi M,N,K lan luot la trung diém cia AB’, B'C, BD'. Tinh thé tich
khdi da dién 10i ¢6 cac dinh 1a cac diém A,B,C,M,N,K Ia

D’ c’

AI E \\‘ B'
i 2 S g \
LML

G Sk c
A B
A 124/38%, B. %af C. %aﬁ. D. 16+/3a°.
Loi giai
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Cau 33.

4
!
D C
[AY
K
\
Y
HE
\
1 \ ,
A’ ! ) B
1 \
L] A )
1 Ay
' \
' \
\
: K N
.........
N 'l‘ [2==
1 'l b -
1 v -
' M
-
H 2=\
Y
AP -3 C
’ H \ -
y F -
’ 1 4~
N ™
by "' Py
’ R Sy N R
. -=7N 5 - -~ G
4 L B se=X
.- i PR
PR/ h

Vi ABCD Ia hinh thoi c6 canh bing 4a va BAD =120° nén AABC la tam gidc déu c6 canh
bang 4a.
Goi E,F,G lan luot 1a trung diém cua AB, AC,BC .

. |BF LEG
Taco = BF L(MNGE)
BF L EM

1 4a\3 8a’\/3

11
EBF.SMNGE_e. > 4a.2a= 3

= VB.MNGE =5

Tuong tu ta c6

_8a\3

A.EFKM —
3

V,

C.KNGF =V =V

B.EGNM

Ta cd MNK.EFG 14 hinh ling tru déu c6 chiéu cao ME = % BB’ =4a va day 1a tam giac déu co

canh bang EG :%AC =22 =V e = 42

2
43.4\/5 :4a3\/§.

Goi V 13 thé tich khdi da dién 16i c6 cac dinh 1a cac diém A,B,C,M,N,K. Khi d6
\Y :VMNK.EFG +VC.KNGF +VB.EGNM +VA.EFKM = 4a3 3 +8a3\/§ :12a3\/§ .

Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh ABCD. Goi M, N, P, Q lan luot 14 trong
tam céc tam giac SAB, SBC, SCD, SDA. Biét thé tich khdi chop S.MNPQ 1a V. Thé tich
ctia khéi da dién 16i ¢o cac dinh 1a cac diém A, B, C, D, M, N, P va Q bang

N B. " c.¥. p. BV

- 4 4 4 4
Loi giai

Chon A

Ki hiéu

Bsco 12 dién tich tir giac ABCD.

d((ABCD),(A'B'C'D')) la khoang cach giita hai mit phang (ABCD),(AB'C'D').
Khi do, ta co

VMNPQ.ABCD :VS.ABCD _VS.A’B’C’D’ _[VA.A’MQ +VB.B’MN +VC.C’NP +VD.D’PQ ]

1

Trong d6 V sacp = 5.d (S.(ABCD)).B,geo
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1 3 ! ! ! !

< Voo :E'Ed (S.(AB'C'D")).2Byypq
1 3 ! ! ! ! 3 ?

& VS_ABCD:g.ad(s,(ABCD)).z.(E) Buneo
3 3 ’ 1 ! ! ! !

< Vsmmen :5'2'(5} -gd(S,(ABCD)).BMNPQ

S

Ta duoc:
27
VS.ABCD = TV (1) .
1 ! ! ! !
V; oo = g.d (S.(AB'C'D')).Bygcr
1
& VS_A,B,C,D,=§.d(s,(l\/lNPQ)).zBMNF,Q
< Vs aeco = AY (2) :
VA.A’MQ +Ve g +Veone +VD.D’PQ
1 ! ! 1 !
= gol ((ABCD),(A'B'C'D"))[ Baug + Bawn + Bene + Bowo |
1 1 ! ! 1 !
= VA.A’MQ +VB.B’MN +VC.C’NP +VD.D’PQ = gEd (S’(A B'C'D )) BMNPQ
1
= VA.A’MQ +Ve g TVeone +VD.D’PQ = EV (3)

27 1

Tu (1)’ (2) va (3) ta co VMNPQ.ABCD :TV -2V _EV <:>VMNPQ.ABCD =

Cac khéc.

. 1 N 1
Taco VS.MNPQ = EVS.A'B'C'D' (vi BMNPQ = 2 Brgco)

17y
4
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\ 2 : . Lo . 2. \

Va Vg ppcp = (g} Vs nsep (Vi ti 80 dong dang cua hai khoi chép la %)
N 1 8 4 27

Nen VS.MNPQ :E'EVS.ABCD <:>VS.MNPQ :EVS.ABCD C>VS.ABCD :TV

, 1 1 8 4 4 1 1
Taco VB.B‘MN :EVS.B'MN :EE S.BM'N" :EVS.BM'N' = E'gvs.ABCD = gV

A 8
Vay VMNPQ.ABCD :VABCD.A'B'C'D' - 4VB.B'MN = (1_EJVS.ABCD - 4VB.B'MN

19 19 27 1 17

= EVS.ABCD —Nggun = (5-7_4-5]\/ = ?V .

Cau 34. Cho liang try ABCD-A'B'C'D' ¢6 chiéu cao bang 10 va day 1a hinh vubng c6 canh bang 5.
Goi M,N,P va Q lan luot 1a tm cila cac mat bén ABB'A', BCC'B', CDD'C' va ADD'A".
Thé tich cta khdi da dién 10i c6 cac dinh 1a cac diém A,B,C,D,M,N,P,Q bing

A B 92 c. & p. 122
3 ) 6 3
Loi giai
Chon B

Ta c6: Vagep agcp =10.25=250(d.vtt).

AM AQ 111,525,

AB' AD' MED T 273 o T2
Vata co: Vyoaa' =Vnes' =Viece' =Vegop:-

25 125

VABCD.MNPQ :VA'B'C'D'.MNPQ1 MQAA' —

Suy ra: Vagep.mneg +Vasrc'o mnea =Vasco.as'c o —Vmoaa —Vines' —Viece' —Vegpp:
125 625 625

Hay: 2V g mnpq =290 —4.——=——= Vagcomnpg = ——
12 3 6

Cau 35. Cho hinh lang tru ¢éu ABC.A'B'C’ c6 d6 dai tit ca cac canh bang a. Goi M 1a trung diém
AB va N 1a diém thuoc canh AC sao cho CN =2AN . Thé tich cua khéi da dién 15i c6 cac
dinh 1a cac diém A, M, N, A, B'va C’' bang

a2 g, Y& c B p, V3
12 36 - 36 12
Loi giai
Chon C
Cach1
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A N H C

A,

A/

B’ B
Goi V la thé tich cua cua khéi da dién 13i c6 cac dinh 1a cac diém A, M, N, A, B'va C’.
Khi dé ta c6: V =V, wan Vi acn + Vi ase -
s , 1 1 a a° 1 1 a’
Tu gia thiéttaco: S,,,w =—AA.AN=—a.—=—:; S,,.. =—d(N,A'C').AC' =—aa=—;
g AA'AN 2 2 3 6 AA'C'N 2 ( ) 2 2

1 ) 2
S, g =~ A'B.A'C".sin60° = 2 3

2 4
Goi H 14 trung diém cua AC thi BH L(ACC'A’) va BH —i (do ABC 1a tam giac déu

1 a/3

canh bang @), suy ra d (M ,(ACC’A’)):%d(B,(ACC’A’)):EBH ==

Khi @6 ta thu dugc cac két qua sau

1 7\ 1 \/_ a 3\/§
Vi amn :gd(M,(ACCA)).SM,AN ngE: -

1 N 1 a3 a> a3
o o0 000K s HE 520

1 1 a3 a3

Vy o =—d (M ,(AB'C')).S, e =—.a. = )
M.AB'C 3 ( ( )) AAB'C 3 4 12

A a’J3 a3 a*V3 5/3a°
Vay V =V xan +VM.A'C’N +VM.A’B’C’ = 72 + 24 + 12 = 36
Céach 2
Goi V la thé tich cua cua khéi da dién 13i c6 cac dinh 1a cac diém A, M, N, A, B'va C’.
Khi doé taco: V =V, +V

2

Taco Suen :%AA’(AN +A’C’):%a(%+aj:%.
1 . 1 a3 2a° 243

Suy ra Vi, awen :§d(M,(ACCA)).SAA,C,N:§. 3 T e

M.AA'C'N M.AB'C"*

1 e’ 2\/_ 3\/§
VM.A’B’C’:gd(M1(ABC)) SAABC 3a- 4 12
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2\/3a° . a’\3  53a°

36 12 36

Vay V =V aven TViase =

Cach 3
7N
! \
! \
/ \
/ \
M N} \
N N
// N N
, \
N \
h B ™ N a
N
/ N N\
N
/ N N
[ N \
/ N \
/ ~ \
/ SN
/ NN
/ N N\
, N
SN
/ R
A AR
a N\
N
ar Ko B C'
B’

- Goi H 1a trung diém cua AC va V Ia thé tich cua cua khéi da dién 16i co cac dinh 1a cac
diém A, M, N, A, B'va C'.Khido V =V, sec —Viu nre
- D& thdy MH //B'C’ nén AMH.A'B'C’ 14 khéi chép cut.
- Ap dung cong thc thé tich V, caa khdi chop cut c6 chiéu cao h, dién tich day nho va day 16n
. . . h
theo thir tw 12 S,, S, thitaco V, :5(30 /58, +8,).
s AA’
- Khi d6 Vi wec :T(SAMH +/Samm -Swec + SA’B’C’)

g[l.azﬁ +\/1.a2\/§.a2\/§ N azx/él 7a3x/§.

314 4 4 4 4 4 48

&

a’\3

144

a

- Mit khéc V,, yue :%d (M,(ACCA')).Sye =

_7a%3 a'\3 53’

Vay V =V e —V, =
ay AMH.ABC' — VM .NHC 48 144 36
Cau 36. Cho lang try tam gidc déu ABC.A'B'C' ¢c6 AB=AA'=a. Goi M, P lan luot 1a trung diém

1_a
A==
2 6

Wl
b‘

cua hai canh AC va B'C'. Lay diém N trén canh AB thoa man AN :7AB. Mat phang
(MNP) chia lang try da cho thanh 2 khéi da dién, thé tich V, cta khdi da dién chia dinh C 1a:

AV =0T 5. BV=22 3. cv=2DTs3. D

—a’V3. BAVAES
23520 - 23520 23520
5057
V,=——a’Vv3.
' 23520 v
Loi giai
Chon B
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Cau 37.

Trong mp(ABC) v&é MN NCB =Q, &p dung dinh Iy Menelaus cho tam giac ACB ta co:
VAQC NB 1 QC 2, QC s

MC QB NA QB'5 QB 2°
Trong mp(BB'C'C):

lgc
V& QPABB'=E (déthdy co. - "B L EB_2 " 3,
EB QB EB 2 4
—BC
3
V& QP ACC'=F (dathéy FC'= EB’z%CC’).
Trong mp(AA'C'C) vé MF N A'C'=K (dé thay KC’:%MC:%AC).
Vay thiét dién 1a ngii gidc MNEPK .
= V1 :VF.MQC _VF.KPC' _VE.NQB (*)
Trong do:
1 1(5 10 .., 25a%/3
DVF.MQC :gsMQC'FC ZE(ESABC]7CC = 252 .
1 . 1(3 3 .., 333
DVF.KPC’:gsKPC"FC :g(TOSABC]'7 C'= 1120
1 1( 4 4 ., 4a%3
DVE.NQB:§SNQB'EB:§(ESABC]'7 C = 441 .

Thay vao (*) ta duoc: V, = %a%ﬁ .

(THPTQG 2019-MP104-Cau 46) Cho lang tru ABC.A'B'C’cd chiéu cao bang 4 va day la
tam giac déu canh bang 4. Goi M,N va P lan lugt 1a tdm cia cac mat bén ABB’A’, ACC'A’va
BCC'B'. Thé tich ciia khdi da dién 16i c6 cac dinh la cac diém A, B,C,M,N, P bang
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A. #. B. 83. C. 643. D. —20?:/5.
Loi giai
Chen C
Al o}
N
A N
AL TN T C
B

R o4 A 1% R'C' A 42\/5
Theé tich khoi lang try ABC.A'B'C'laV =4. 2 =163

Goi thé tich ctia khdi da dién 16i c6 cac dinh 14 cac diém A,B,C,M,N,PlaV,.
Ta Cé: Vl :VAMNCB +VBMNP +VBNPC )

X 1 X 1 R 3 N 1
Dé thay VA’ABC = EV va VAMNCB = ZVA’ABC nen VAMNCB = ZV .

1., . 1 . 1
Verge = §V va Vgyne = ngA,B,C, nén Voue = ﬂ\/ .
1, . 1 . 1
Vasce =Vagcee = §V va Vgpe = ZVBA’B’C Nén Ve = EV )

A 3
Vay V1 :VAMNCB +VBMNP +VBNPC = gV = 6\/§-

Cau 38. (THPTQG 2019-MP102-Cau 49) Cho ling tru ABC.A'B'C'c6 chiéu cao bang 8 va day 1a
tam gidc déu canh bang 4 . Goi M,Nva P lan luot 12 thm céc mit bén ABB'A',ACC'A'va
BCC'B'. Thé tich ctia khéi da dién 16i c6 cac dinh 1a cac diém A, B,C,M, N, P biang

A. 123, B. 16V3. C. &f. D. %.
Loi giai.
Chon A
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A' C'

\/_ 1
Ta Co VABC A'B'C' 32\/— C ABC 3 ABC A'B'C'? VA.BC'B' = gVABC.A'B'C' .

Khoi da dién can tim V =V asen Ve amn Vo asm -

, 3 1
Taco VC.ABPN = _VC'.ABC = _VABC.A'B'C' .
4 4
, 1 1
Taco VPAMN :§VABC'B' :ﬂ ABC.A'B'C'*
, 1 1
Taco VPABM = ZVABC'B' = EVABC.A'B‘C' .
A 2 s Ao AN 1 1 1 3
Vay thé tich khoi can tim V = ZVABC.A'B'C' +§VABC.A'B'C' +EVABC.A'B'C' = gVABC.A'B'C' :12\/§ :

Cau 39. Cho hinh lap phuong ABCD.A'B'C'D’ canh bang 1. Goi M 1 trung diém canh BB’. Mit
phang (MA'D) cat canh BC tai K. Tinh ty so thé tich ctia khoi da dién A'B'C'D'MKCD va
khéi 1ap phuong.

L B. L. c. L. D 1
24 17 24 24
Loi giai
Chon D
Goi K la trung diém BC thi MK//B'C. Ma B'C//AD = MK // AD = K e (MA'D).
Vasco.asco’ =1"=1.
A’ B
D' c
,—:X:: ”””””””””” B
) K
D § C
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1
_(AA+MB).AB _ (“2]'1 3

2 2 4
1 13 1
Nen VD A'ABM :§'SAMBA AD =gzl=z
D& thi Voo BM BK 11 1
¢ thay =— =—.—=—,
Vecgp BB BC 22 4
Suy ra
1 11 , 111 111 1
VB MKD :ZVBCBD Z E SDBC BB :Z§§DCBCBB —ZEE 1 1 125
i1
Vay Vascomken :VABCD.A'B'C'D' —Vo.nmem —Vemo __ 4 24 _ E
" Vasco.asco Vasco aeco 1 24

Cau 40. Cho hinh lap phuong ABCD.A'B'C'D’cé canh bing2a. Goi M la trung diém cia BB'va
P thudc canh DD'sao cho DP:%DD’. Mit phang (AMP) cit CC'tai N . Tinh thé tich khéi

da dién AMNPBCD .
3 3
A. 2a°. B. 3a°. c. 3 p, H&
4 3
Loi gii
A D
B, c
QE“: --------------------- F
phe T \\*I
M P
I b
~:~j:fl::'_’_‘_’_’ ________________ D
________ A
Bl C
(ABB'A')//(CDD'C')
Taco {(ABB'A')~(AMP)=AM véi N e CC’; PN// AM = C'N :%CC’.

(CDD'C’' )n(AMP) = PN
Goi E,G, F lan lugt 1a cac diém thudc cac canh BB’, AA’, DD’ sao cho
BE 1.AG 1DF 1
BB 4'AA 4'DD 4 7
Goi h,S,V lan luot 1a chiéu cao, dién tich mat day va thé tich cua hinh lap phuwong da cho.
S S S

Khi d6, dién tich tir giac AMEG 14 S ———-—=—.
4 4 2
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Suy ra thé tich cua khoi chop N.AMEG 1 Vy g6 = %h% :%
Dién tich tir giac APFG la S S5 ﬁ

4 8 8
Suy ra thé tich cua khéi chop N.APFG 13V, yors = % h.% = % .

Thé tich ciia khéi hop ABCD.GENF 13 V5o sene =

Thé tich khéi da dién AMNPBCD la
VAV VAR S
, 4 6 24 24 24
Cau 41. Cho khoi lang tru dimg ABC.A'B'C'c6 day ABC la tam giac vudng can tai C, AB =2ava goc
tao béi hai mat phang (ABC')va (ABC)bdng 60°. Goi M,N lan lugt la trung diém cia

A'C'va BC. Mit phang (AMN )chia khdi lang tru thanh hai phan. Thé tich ciia phan nho

VAMNPBCD :VABCD.GENF _VN.AMNE _VN.APFG =

bang
7./3a° J3a® 7./6a° J6a°
: | B. ) C. ) D. )
- 24 3 24 6
Loi giai
Chon A
*Cach 1:

Goi H 1a trung diém ctia AB=CH L AB.
Tam giadc AC'Bcantai C'=C'H 1L AB.
Ma (ABC)(ABC')= AB = ((ABC),(ABC")) = CHC = 60°.
AABC vudng can tai Cco AB=2a—> AC=CB=a+2;CH =a.
AC'CH vudng tai C = CC'=CH.tanCHC'=ay3= AA'=BB".
R 4 s o A'N'//AN
Goi N'la trung diém cta B'C', M 'la trung diém cia C'N'= = MM //AN
MM '//A'N"
= thiét dién ctia hinh lang try dimg ABC.A'B'C'cét béi mit phang (AMN )13 hinh thang
AMM 'N hay mit phang (AMN )Chia khéi lang try thanh hai phan, trong 6 phan nho 1a

ACNMC'M".
: : 1 av2 a’y3
Taco: Vicuacn: = AA Sy = aﬁaaﬁ—f = g/— _
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2
_la\/z.axz/z_l av2 ay2 _3a’

SA'MM'N' = SA'C'N' _SMC'M' - 2 )

2 2 4 8
1, 1 32 a3
VA.A'MM'N'Zg-AA-SA-MM-N-Zg-a\/g.?: g
1 1 1 a2 a3
VA.M'N'N :g'AC'SAM'N'N :gaﬁia\/éT: 12 .

_ a3 a3 a’V3 7a’\3

Vay Vienew =Vacnwen: ~Vaauwn: ~Vaunn = 2 8 12 24

Cach 2:
D
Kéo dai AM,CC’,NM cat nhau tai D. KhidoV, . =Vy -V ..
Taco: DM _PC DM _MC _CM _1_ he_opc—2cc =2a43.
DA DC DN AC CN 2
1 1 1 a2 a*3
=V oy ==DCS, ==.2a+/3.2aV2. 55 = .
D.ACN 3 ACN 3 \/7 2 2 3
3
V... =iDCS, . l,alaf2 a2 a3
: 3 Mew 3 2° 4 2 24
3 3 3
IRy _aV3 2’3 _7a%3

ACNMCM' 3 24 24

Cau 42. Cho hinh chép S. ABCD. Pay ABCD la hinh binh hanh, M 1a trung diém SB, N thuoc canh SC
sao cho % = g P thudc canh SD sao cho j—z = 2 Mt phang (MNP) cat SA, AD, BC lan luot tai
Q,E, F. Biét thé tich khdi SMNPQ bang 1. Tinh thé tich khéi ABFEQM

Z B. 22 c.2” D.2
— 15 66 41 5
Loi giai
Chon A
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S

A

Dé chimg minh du’(_yc% = gvé C 1a trung diém doan BF.
GoiV 1a thé tich khéi chép S. ABCD.
bita=_ b= c=grd=3
Tacc')b=2,c=2,d=§Via+c=b+dza=%1

11 3 4
+) VsMNPQ _ a+b+c+d _ g t2+;t; 5
v 4abcd 4035 T oy
22 6 23
1% 1% 1% 1%
+) ABFEQM — ABCDMPQ + N.DCFE + N.EDP.
1% 1% 1% 1%
VaBcomp Vsmn 5 17
4y Vancoure _ 4 Vsuwe _ g _ 5 _ 17
v 1% 22 22 )
4 VN.DCFRZEd(N,(DCFE)) SpcrE _ CN ~-d(C,DE)-DE+d(E CF)-CF
V. >d(S(ABCD)) Sagcp  CS d(B.AD)-AD
1
cN 5 (DE+CF) ¢N 1 (DE . CF 1 1 (2 5
:_2—:__(_+_) = - .=. (_+1) :_,(3)
cs AD cs 2 \AD B 3 2 \3 18
1
+VNEDP _ VNEDP _ 34(N.(EDP))  sgpp _ 1 SNDPDE __ 1 212 _
v 2Vesap 2-%-d(C,(SAD)) Ssap 2 SC DSDA 2 343 18

X N VaBreom __ 17 5 1 _ 73
The (2),(3),(4) vao (1) ta dugc =ttt =
_ 73 \,_73 22 _ 73
SuyraVaprpom = o, V=00 T =
Nhén xét: C6 thé dic biét hoa hinh chop véi day 1a hinh vudng. Khi d6 tinh Vypcry dé hon vi

day DCFE la hinh thang vuéng.

Cau 43. Cho hinh chdp SABC c6 dién tich day bang 10, chiéu cao bang 9. Goi M,N,P lan luot 13

trong tim ctia tam gidc SAB, SBC,SCA . Thé tich cua khéi da dién ABCMNP.

175 1
A. 60 B. —. C. 5—60 D. ﬂ
3 9 9
Loi gidi

Chon D
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5

) 2\ 8
Taco VSIJK = (_j V, SABC — EVSABC

3
19 19 1 190
= Vikasc = EVSABC = 5.59.10 = T

VABC.MNP :VABCIJK _(VB.MNJ +VA.MIP +VC.NPK) ma VB.MNJ :VA.MIP :VC.NPK

:>VABC.MNP :VABCIJK _&/B.MNJ
, 1
Co Vg = g.sMNJ h, ihy =d(B,(1JK))
4 4., 40

SAIJK :_SAABC =—.10

9 9 9

. 1 10 1
Ma SAMNJ :Z'SAIJK ZE; hb :§h =3

110 3:10

:>VBMNJ 253 9
190 ,10_160

Vay V ==
dY V ascvnp 9 9 9
+ Phuong 4n nhiéu A: HS nham véi Ve =Bh=9.10=90
2

+ Phwong 4n nhiéu B : HS nham véi S, = §SAABC Vspae = Bh

+ Phuong an nhiu C : HS nham v6i Vg e =Vascik — Vo

Cau 44. Cho t& dién déu ABCDc6 thé tich 1a V . Goi M,N,P,Q,R Ian luot 1a trung diém cac canh
AB,AD,AC,DC,BDva GIla diém dai xing cta Bqua PN . Tinh thé tich khéi da dién
[6iGMNPQR theo V
AL B. ¥ c. 2 p. .

2 6 5 — 8
Loi giai
Chon D
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s
Goi | latrung diém cda PN thi | cling la trung diém cda AQ.
Do ABCD Ia ttr dién déu nén Bl L NP.

G d6i xirng véi B qua NP < | la trung diém cda BG.

VGMNPQR :VG.MNP +VG.NPQ +VN.MPQR

Do Ila trung diém cia AQva BGnén ABQGIla hinh binh hanh nén
AGI/BQIMI = AG//(PMN)

A Vv
= d(G,(MNP))=d (A (MNP))nén Vg e =V e =5
| 1a trung diém ciia BG nén d(G,(PNQ))=d(B,(PNQ))

1 1
:>VG.PNQ :VB.PNQ :gd(B,(ACD)),SPQN :ZV )

A

C

Vay VMNPQRG =Vame +VG.NPQ +VN.MPQR =gt t—-=

Cau 45.  Cho khai lang tru ABC.A'B'C’c6 thé tich bang 1. Goi M, N lan lwot 13 trung diém clia cac doan thing
ACva B'C'. Goi (P) Ia mat phang qua M va song song véi mat phang (A'NC) . M&t phang (P) chia khai
lang tru ABC.A'B'C’ thanh hai khéi da dién, goi (H) la khéi da dién chira dinh Thé tich cia khéi da
dién (H) bang

3

A —. B.

C.
5

Wl
gl

D 2.
2

Lovi giai
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ChonD

Goi khéi lang tru ABC.A'B'C’c0 thé tich bing V
- M&t phang (P) qua M va song song véi mat phang (A'NC) nén mat phang (P) cat cac mét
phang (ABC),(A'B'C") lan lwot theo céc giao tuyén ME,GF ((EeBC,GeA'B,FeB'C)
cung song song A'N
- M3t phang (P) cit cdc mat phang (AA'C'C),(BB'C'C) lan lugt theo cac giao tuyén M
(I € AAY) song song A'C ,EF song song CN. Ba dudng thang MI,FG, A'C'déng quy tai
K, ba dudng thang MI, EF,CC'dong quy tai J.
- Mt phang (P) chia khéi I&ng tru ABC.A'B'C’ thanh hai khéi da dién, goi (T) la khéi da dién
khong chira dinh Thé tich cda khéi da dién (T) bang
V1 :VJ.C'FK _VJ.CEM _VI.A'GK
:%SAC.FK JC '—%SACEM JC —%SMGK JA' = %v —4i8v —%v = %v .
Cau 46. Cho lang tru ABC.A'B'C’c6 chidu cao bing 8 va day la tam giac déu canh bing 2+/3. Goi
M, N, P lan luot 12 tAm cua cac mat bén ABB'A’,BCC'B’va ACC'A’. Thé tich ctia khdi da dién
16i ¢6 cac dinh 1a cac diém A, B,C,M, N, P bang:

A. 643, B. 184/3. C. 93, D. 34/3.

Léi giai.
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Mit phing (MNP) cét cdc canh AA’, BB',CC’lan luot tai céc diem A, B,,C,.
D¢ thdy, (MNP)//( ABC)va (MNP)chia khdi lang try thanh hai phan c6 thé tich bang nhau.

Goi V 14 thé tich khéi da dién can tim. Khi do:

1
V= EVABC.A’B’C’ -V -V -V

AAMP CC,PN BB,MN

Mat khac: Ve =%d (A(MNP)).s

*JAAMP

11 R | 1
= gEd (A’(A B'C ))'ZSA’B’C’ = ﬂVABC.A’B’C’

1
Tuong tu: Veepy =Vegmn = ﬂVABC.A’B’C’
2
’ 3 3 3 2\/§ \/§
Do dé: V = EVABC.A’B’C’ _ﬂVABc.A'B'c' = gVABC.A’B’C’ = 5%8 =9V3

Cau 47. Cho hinh 13p phuong ABCD.A'B'C'D’, | la trung diém cua BB’. Mat phang (DIC’) chia
khéi 1ap phuong thanh 2 phan. Ti s6 thé tich ciia phan bé va phan 16n la

= B. 2. c L. p. 10
19 15 17 17
Loi giai
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Trong (BAA'B') ké IN//AB', N ¢ AB = NA = NB
Vi AB'//DC' = mat phang (IDC’) cit AB tai N. Do d6 mit phang (DIC’) chia hinh Iap
phuong thanh 2 khéi da di¢n: khdi C'INDCB ¢ thé tich Ia V, va phan con lai c6 thé tich 1a V.

Gia sir canh cua hinh lap phuong ABCD.A'B'C'D’ bang a.

, 1 , 1.,
Ta co: VC’DAB’IN :VC’.ADN +VC’.ANIB’ =§CC 'SADN +§C B 'SANIB"

aZ

. 1 a a° . 1aa
Ma Syon =78~ =— va S :E' 578

a—=
2 2 4

N | o

1, a 3’ 5a°
= Sawe = Eaz ) - 8 = Voo = o4

1, 5° 7a°
SV, =g -2
2 24 24
3 3
Phan con lai c6 thé tich 1a V, = a® _fa e VT
24 24 'V, 17

Céc cach giai khac:

Céch 1: Gia sir hinh lap phuong ¢ canh bang a taco vV 3

ABCD.ABCD! — & -

1 / 1 (a®> a? a?| _ 7a°
Vemcco = EBC (SBIN + SBIN'SCC’D + SCC’D) = ga{?-i-j-i-?] —ﬂ

Thé tich phan con lai 13 &° —7—613 = L7a’ Ti s6 can tinh 1a
' 24 24 17

Céach 2:
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Cau 48.

Goi E la giao diém cia CB va DN , tacd
1 11 1

VE.DCC’ = 2'§VABB’.DCC’ = Z'E'EVABCD.A’B’C’D’ = §V .
11 1, 1., 7
Vesu = ggv SUY 1a Vg, cper = EV —av = ﬂV

Thé tich phan con lai 1a v v =Ly Tisécantinhia -,

24 24 17
Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bang 8va dién tich day bang 9. Goi M, N, P
va Q lan luot 14 tdm cua cac mit bén ABB'A’, BCC'B’, CDD'C’ va DAA'D’ . Thé tich cua khéi
da dién 16i c¢6 cac dinh 1a cac diém A, B, C, D, M, N, P va Q bang
A 27. B. 30. C.18. D. 36.

Loi giai
Chen B

P .
Ky hi¢u V va V' lan luot la thé tich cua khéi hop ABCD.A'B'C'D’ va khoi da dién 10i c6 cac
dinh 1a cac diém A,B,C,D,M,N,P va Q ta co:

V=V _VA’.AB’D’ _VC’.CB’D’ _VB’.BMN _VD’.DPQ _VP.QMB’D’ _VP.MNB’

Vi

V =89=72

DT: 0978064165 - Email: dangvietdong.ninhbinh.vn@gmail.com Trang 52
Facebook: https://www.facebook.com/dongpay - Kénh Youtube: Thay Piang Viét Dong




ST&BS: Th.S Pang Viét Pong Truwong THPT Nho Quan A On thi TN THPT 2020

V
VA’.AB’D’ :VC’.CB’D’ :E;
11 V
VB’.BMN :VD’.DPQ :E'E'VD’.DAC :ﬂ
3V V | 11 11V V
VP.QMB’D’ :VA’.QMB’D’ = ZE = E va VP.MNB’ = E'ZVD’.ACB’ = EZE = ﬂ

Nenv/=f1-t-1_ 1 1 1 1355 50
6 6 24 24 8 24

Céach khéc:

Goi H, K, L, F lan luot 12 trung diém cta cac canh bén AA’, BB/, CC’ va DD’ ta c

1 1 11 11
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