TAI LIEU TONG ON TAP TNTHPT 2020

THE TiCH KHOI PA DIEN
THE TiCH KHOI PA DIEN
@ Thé tich khéi chép |V, = % Sysy- chiéu cao|.

=S4, chicu cao|.

@ Thé tich khéi ling tru |V,

lang tru

Thé tich khéi lgp phwong Véi a la canh.

Thé tich khéi hép chiv nhat Véi a, b, c lan heot la chiéu dai, chiéu réng va chiéu cao.
® Xdc dinh dién tich day:

1 1 . . a+b+c
* |Saaze = Eaha - EabsmC’ = \/p(p —a)(p—0b)(b—c)|, véi p = —
h)® x~/3
* | am gisc vuong = %x(tich hai canh géc vuong)|- * IS, sicas = M :
S _(canh huyén)’ (ddy 16n + ddy bé)x chiéu cao
¢ tam gific vuong can ~ 4 T Sl-ﬁnh thang D ’

TSI _ 2
=daixrong|. ¢ Sy e, = (canh)|

* | Stinh che nhat

@ Xdc dinh chiéu cao:

« Hinh chdp cé 1 mat bén vuong géc véi mét dday: Chiéu cao cia hinh chép la chiéu cao cia tam gidc
chira trong mdt bén vuong goc voi day.

« Hinh chdp cé 2 mgt bén vuong goc véi mat diy: Chiéu cao cia hinh chdp la giao tuyén cia hai mdt bén
cung vuong goc voi mat phang day. )

o Hinh chop co cdc canh bén bang nhau: Chan duong cao cua hinh chop la tam dwong tron ngoai tiep da

. gldcddy. :

Can nhd: Ti so thé tich khoi chop c6 day la tam gidc i

Cho khoi chop S.ABC, trén cdac doan thang SA, SB, SC lan luot

ldy cac diem A', B', C' khdc S. Khi d6 ta luén c6 ti so thé tich:

Voo  SA ' SB’ . sc’ '

Vs ine SA SB SC

Chi ¢6 ti s6 thé tich khoi chop day tam gidc, khong cé ti $6 khoi chop

day tir gidc. Khi tinh ti sé khoi tir gidc, ta can chia ra nhitng hinh

chop co day la tam giac.

CAU HOI CUNG MUC PO VOI PE MINH HQA

7 , DANG CAU HOI NHAN BIET
Cau 1. The tich khoi lang tru c¢6 dién tich day bang B, chi€u cao bang / la
1 2
A.V=§Bh. B.Vngh. C.V =Bh. D. V =3Bh.

Ciu 2. Cho khdi 1ap phuong c6 canh bang 6 . Thé tich ctia khéi 1ap phwong dé cho bang
A. 216. B. 18. C. 36. D. 72.

Cau3. Thé tich khdi lap phuong canh 2 bing
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Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

A. 6. B. 8. C. 4. D. 2.
Cho khbi chép c6 dién tich day B =3 va chidu cao /=4 . Thé tich ctia khdi chop da cho bang
A. 6. B. 12. C. 36. D. 4.
Thé tich khdi chép c6 dién tich day bang 24°, chiéu cao bang a3 1a
2 3 2 3 3
A V= “9ﬁ. B. V= “3*/5. C.V=2da3. D.V=a;/§.
Thé tich khdi chép c6 dién tich day bang a”, chiéu cao bang 2a la
3 3
AV =6a. B.V=“?. C.V=2d" D.sz%.
Thé tich khdi lang tru c6 dién tich day bang 34”, chiéu cao bang a 1a
3 3
AV =3a. B.V:a?. C.V=a. D.sz%.
Thé tich khéi hop chir nhat c¢6 ba kich thudc 1an luot 1a 3,4,5 bang
A. ¥ =120. B. V =20. C.V =30. D.V =60.
Cho khdi chép c6 dién tich ddy B =6 va chiéu cao /4 =3. Thé tich ctia khdi chop da cho bang
A. 6. B. 18. C.9. D. 36.
Thé tich khéi lap phuong canh 5 bang
A. 15, B. 25. C. 125. D. 75.
Cho khéi 1ap phuong c6 d6 dai duong chéo bing 6+/3 . Thé tich cta khdi 1ap phuong d6 bing
A. 81V3. B. 216. C. 2443, D. 1624/6.
Thé tich khdi 1ap phuong ABCD.A'B'C'D' ¢6 AC'= a3 bing
A. a’. B. a’. C. 2a. D. 3a.
Cho khdi 1ap phuong c6 tong dién tich cdc mat bang 294 . Thé tich cta khdi 1ap phuong d6 bang
147 [147

A —, |—. B. 49. C. 343, p. 147

2\ 2 2
Thé tich khdi 1ap phuong ABCD.A'B'C'D' ¢6 AC'=a/6 bing
A. 8a°. B. 6a°6 . C.2a°2. D. 34’3

A e r A oL 2\/5 \ [N 7 ’ <A 5 A ’

Khoi chop S.ABC c¢6 thé tich V = 5 va dién tich day B = V3. Chiéu cao ctia khéi chop
S.ABC bang
A 26 B, 206 ¢ 22 p. 26

9 3 3 27
Cho khdi hop chit nhat c6 ba kich thudc 1a 3;5;7 . Thé tich ciia khbi hop d6 bang
A. 35. B. %. C. 105. D. 15.
Thé tich khéi 1ap phuong ABCD.A'B'C'D' ¢6 AB' =~/2 bing
A. 242, B. 2. C. 1. D. 3.

Cho khdi chop S.ABCD c6 thé tich bang a®, ddy ABCD 1a hinh vudng. Biét chiéu cao ctia khbi
chop 1a s =3a . Canh hinh vuéng ABCD bang

A. a. B. -+ C. a\2. D. a\3.

V3

Cho khéi 14p phuong ABCD.A'B'C'D' biét AC =6~/2 . Thé tich ctia khéi 1ap phuong d6 bing
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

TAI LIEU TONG ON TAP TNTHPT 2020

A. 43242 B. 108. C. 216. D. 486 ..
Thé tich khéi lap phuong ABCD.A'B'C'D' ¢6 AB' =2 bing
A. 8. B. 22 C.16V2 . D. V6.

Cho khdi chop S.ABC ¢o SA vudng goc voi day, AC =3, AB=4, BC =5 va SA=3. Tinh thé
tich 7 cua khdi chép S.ABC .

AV =18. B.V =6. C.V=12. D. V =20.
Thé tich khdi 1ap phuong ABCD.A'B'C'D' ¢6 AB' = a2 bing:
A a . B. 24°. C. 4a’. D. 6a’.
Thé tich khdi lap phuong c6 canh 2a bing
A. 8a°. B. 24°. C. 224, D. 6a’.
Thé tich khdi hop chit nhat c6 do dai cac canh lan lugt 1a a,2a,3a bang:
3

A. 24, B. 64’. C. 2;‘ . D. 34°.
Thé tich khoi t& dién déu c6 canh 2a béng
A. a3£. B. a3£. C. ﬂas. D. &as.

4 12 3 3

Thé tich khi ling tru c6 dién tich day 3a” va chiéu cao « la
A.V=3a. B.V=a. C.V=9a. D.V=6a.
DANG CAU HOI THONG HIEU

Cho khéi lang tru ding ABCD.A'B'C'D' ¢6 day ABCD 14 hinh thoi canh « . Biét BAD =60°,
AA' = a . Thé tich cta khoi lang tru da cho bang
3 3 3
A Y3 B Y3 C. 3. p. &3
2 6 3
Cho khdi ling tru ding ABC.A'B'C’ . Biét AB=3cm, AC =4cm, BAC=60", AA'=2cm. Thé

tich cua khdi lang tru dd cho bang
A. 633 (cm?). B. 24/3 (cm?). C. 63 (cm?). D. 6 (cm®).

Cho khéi ling try ding ABCD.A'B'C'D' c6 day la hinh thoi canh a, BD = a3 va AA'=4a
(minh hoa nhu hinh bén). Thé tich cua khdi lang tru da cho bang
A

1 D’
B i
i:"‘! ___________________ D
n [
3 3
A. 2\/§a3. B. 4\/§a3. C. 2\/3§a . D. 4\/3§a .

Cho khéi lang tru dimg ABCD.A'B'C'D’ ¢6 ddy ABCD la hinh chit nhat c6 AB=a, AD=a\3,
AA' =2a . (minh hoa nhu hinh v& bén).
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

A’ D’
/ﬁ; ___________________
/// D
B c
Thé tich ctia khi lang tru dd cho bang
3 3
A. 24°\3. B. a’\3. c. f D. 2"3*/5.

Cho khéi lang tru démg ABCD.A'B'C'D’ ¢6 &4y ABCD 14 hinh vudng canh a~/2 . Biét gbc giita A'B
v6i mét phing (ABCD) bang 30°. Thé tich ctia khéi lang try di cho bang

3 3 3
2 f. B. 2"3‘/3. C. 2"3‘6. D. 24°\/6 .

Cho khdi lang tru ding ABC.A'B'C’ ¢6 day 1a tam giac vudng tai A. Biét 24B = A4'=2a,
ABC=a (minh hoa nhu hinh v€ bén).

A

A.

Thé tich cia khdi lang try da cho bang
3 3
A. @’ sina. B. a?.tana. C.d tana. D. %tana.

Tinh thé tich khéi liang tru dung ABCD.A'B'C'D' biét ABCD 1a hinh thoi co
AC =10c¢m, BD =8cm va dién tich hinh chit nhat ACC' 4" bang 50cm’.
A. 400cm’ . B. 2000cm’. C. 4000cm’. D. 200cm’.

Cho khéi chop S.ABCc6 ddy ABC la tam gidc déu co canh bang a, S4vudng goc voi day va
SA4 =2a . Tinh the tich cta khoi chop S.4BC.

3 3 3 3
A.“\B. B.“\B. C.‘“/E. D.“\B.
2 3 6 6

Tinh thé tich khdi ling try dimg ABC.A'B'C' biét ABC 1a tam giac vudng can tai A4 co
BC=a~2 va AC'=ax/§.

3
A. 24°. B. 24°. C. % . D. a’.

Tinh thé tich khi lang tru dng ABC.4'B'C' biét ABC la tam giac déu canh a va AC'=a~/5.
3 3 3
A.“f. B.“f. C.“gg. D. &'

Tinh thé tich khéi ling tru dimg ABC.A'B'C' biét AB=5cm, AC =12¢m,BC =13cm  va
CC'=Tcm.

A. 210cm’ . B. 70cm?. C. 105¢cm> . D. 35¢m’ .
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

7 ' _ TAILIEU TONG ON TAP TNTHPT 2020
Tinh thé tich khoi lang tru ding ABC.A'B'C' biét AB=13cm, AC =14cm,BC =15¢cm  va
CC'=10cm .
A. 420cm’. B. 840cm’ . C. 420cm’. D. 140cm’ .

Cho khdi chép tam gidc déu cé tat ca cac canh bang 2a. Thé tich ctia khdi chop da cho bang

84’ a24° 824 224°

A, —. B. . C. . D. .

3 3 3 3
Cho khbi chép tir gidc déu c6 canh day bang a, cac canh bén bang 2a. Thé tich ctia khdi chop
da cho bang

\/ﬁcf 4q’ \/ﬁcf 2\/5613

. B. —. C. . D. .

3 3 6 3
Cho khdi chép tam giac déu co canh dy bang a, cac canh bén bang 2a . Thé tich cia khbi
chop da cho bang

\/§a3 \/ﬁa3 8\/5613 \/ﬁcf

A. . B. . C. . D.
12 12 3 6
Cho khdi chop S.ABCD cé déy 1a hinh vudéng canh a. Canh bén SA vudng goc véi day. SB=2a;
Thé tich cua khoi chop S.ABCD bang:
3 3 3 3
A 2 B. . c. Y2 p, B3
3 3 3 3
Cho khéi chop tam giac déu c6 tat ca cac canh déu bang 2a . Thé tich cua khdi chop d6 bang:

2\/5613 \/§a3 \/§a3 2\/€a3

A.

A. . B. . C. . D. .
3 3 12 9
Cho khdi chop tam giac déu co canh ddy bang a, canh bén bang \/ga . Thé tich cua khdi chop d6
bing
3 3 3 3
A 220 B, Y20 c. 20 p, Y20
3 3 6 12

Cho hinh lang try dimg ABC.A'B'C' c6 day la tam gidc vuong tai A, AC = a, ACB = 60° . Puong
chéo BC' ciia mit bén (BCC'B') tao véi mit phing (4CC'A4') mét gée bang 30° Tinh thé tich
ctia khi lang tru theo a.

3 3
A.a3\/§. B.a3x/€. C.a\/g. D.a\/g.

3 3
Cho hinh lang tru tam giac déu ABC.A'B'C' ¢6 AB=a, gbc giita hai mit phéng(ABC ') va
(ABC) bang 60°. Tinh thé tich khéi lang try d cho.

A. %a? \/5 C. %a? \/5

B. 24°. D. 243,
4 8

Cho hinh ling try tam giac déu ABC.A'B'C'c6 AB=a, dudng thang AB' tao v6i mit phang
(BCC'B") mét goc 30°. Tinh thé tich ¥ ciia khéi lang tru da cho.

3 3 3 3
N B,y -6 c.v=22 pD.v=2

4 12 4 4
Mot hinh hop dimg c6 ddy 1a hinh thoi canh a, goc nhon 60° va duong chéo lon cua day bing
duong chéo nho cua hinh hdp. Theé tich cua khoi hop do 1a

J3a° Jod’

A. @’. B. \/§a3. C. . D. .
2 2
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Cau 49. Cho mdt tam nhom hinh chit nhdt ABCD c6 AD =60cm, AB =40cm . Ta gép tam nhom theo hai
canh MN va PQ vao phia trong cho dén khi 4B va DC trung nhau nhu hinh v€ bén dé dugc

mot hinh lang tru khuyét hai day. Khi d6 c6 thé tao duoc khdi lang tru véi thé tich 16n nhét bang

B M cC M 0
B.C
A x N P x D N1 P
Cc——m0 Oe————0
60cm
AD

A. 40003 (cm’) B. 200033 (cm’) €. 40033 (cm’) D. 40002 (cm’)

Ciu 50. Cho lang try ding ABC.A'B'C' c¢6 day 1a tam giac déu canh a va AB' vudng goc voi BC'. Thé
tich cia lang tru da cho la.
p. Y6

a6 2’6 a6
12 4 8 T4

A. . B. C.
Ciu 51. Cho hinh liang tru tam gidc déu ABC.A'B'C’. Biét khoang cach tir diém C dén mit phang

(ABC') bing a, gbc giira hai mit phang (4BC') va (BCC'B') bing a véi cosa:% (tham
khao hinh duéi day). Thé tich khéi lang tru ABC.A'B'C’ bang

A4’ C’

/
v
/7
AR_
B
3 3 3 3
A.9a\/E‘ B.3a\/g. C.9a\/E‘ D.3a\/g.
20 20 10 10

DANG CAU HOI VAN DUNG - VAN DUNG CAO

Cau 52. Cho khéi lap phuong ABCD.A'B'C'D' canh a. Cic diém E, F lan lugt 1a trung diém
ctaC'B' va C'D'. Mit phiang (AEF) cét khdi 1ap phuong da cho thanh 2 phén, goi ¥, la thé

tich khoi chtra diém A4' va ¥, 1a thé tich khdi chira diém C'. Khi d6 LT
2
A B. 1. c3 p. 7.
47 Y 25
CAiu 53. Cho khoi lang tru ABC.A'B'C’'. Goi E, F lan luogt l1a trung diém cua cac doan thang CC' va
BB'. Puong thing A'E cat duong thang AC tai K, duong thang A'F cat duong thang 4B tai
H . Tinh ti sb thé tich khéi da dién 16i BFHCEK va khéi chép A'ABC .
Al B. L C.2. D. 1.
3 2
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

‘ TAI LIEU TONG ON TAP TNTHPT 2020
Cho hinh hop ABCD.A'B'C'D' ¢6 M, N, P lan luot la trung diém ba canh A'B’, BB’ va D'D.
Mit phing (MNP) cit duong thing A'4 tai I. Biét thé tich khoi tor dién IANP la V. Thé tich
khdi hop da cho ABCD.A'B'C'D’ bang
A. 2). B. 4V. C. oV. D. 12F.
Cho khbi chép S.ABC co ddy ABC la tam giac vuong cantai 4, AB=a, SBA = SCA =90 , g0C
gitta hai mit phing (SAB) va (SAC) bang 60" Thé tich ciia khéi di cho bang

3
a a’

3

A& B. <. c. L p. L.

3 2 6
Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bang 8 va dién tich day bang 9. Goi M,N,Pva Q
lan luot 13 tAm cua cac mit bén ABB'A’, BCC'B', CDD'C' va DAA'D'. Thé tich cua khéi da dién
16i ¢6 cac dinh 1a cac diém 4,B,C,D,M,N,P va Q bﬁng
A.27. B.30. ‘ C.18. D. 36. 7
Cho khoi lang try ABC.A'B'C’ co thé tich bang 1. Goi M, N lan hr(_)tﬂ 1a trung diém cua céc doan thang
AC va B'C'. Goi (P) la mat phang qua M va song song véi mat phang (4'NC) . Mat phang (P) chia
khéi lang try ABC.A'B'C’thanh hai khdi da dién, goi (H) 1a khdi da dién chira dinh A . Thé tich cua

khoi da dién (H) bang
A2 B. L. c.2 p. L.
5 3 5 2

a\3

Cho hinh hop ding ABCD.A'B'C'D' ¢6 AB=AD =a, AA'===, BAD =60°. Goi M ,N lan

luot 1a trung diém A'D’, A'B'. Tinh thé tich cuia khbi da dién 4BDMN .

A g, 234 . p, 33¢’
3 23 U LB

Cho hinh hop 4BCD.A'B'C'D’ ¢ chidu cao bing 8 va dién tich déy bing 9. Goi M,N,P,0,R va
S 1an luot 14 tAm ctia cdc mit ABB'A’, BCC'B', CDD'C’, DAA'D', ABCD va A'B'C'D" Thé tich
cua khéi da dién 13i 6 cac dinh 1a cac diém M, N ,P,O,R va A béng

A. 3. B. 24. C.9. p. L.

3
Cho hinh chop S.ABC co6 S4 L (ABC ) , day la tam gidc vuong can tai 4, G la trong tdm AABC,

khoang cich tr G dén mit phang (SBC) bang %. Goi a la goc gitta mit phing (SBC) va

(ABC). Khi thé tich khdi chép S.ABC nh nhét thi cose bang

NS 0. b
3 2 3
Cho ling tru ABC.A'B'C’c6 chiéu cao bang 8 va dién tich day bang 9. Goi M, N 1a hai diém
thoa man BM =k.BB'(k>1), CN =1.CC’ (I <0). Thé tich cta tit dién A4'MN bang
[+k-1 _
. B. 24. C.72. p. AT
72 210
Cho khdi chop S.4ABC ¢6 ddy ABC 1i tam gidc vuong tai B véi AB=+/6, BC=+/3,SC=3 va

mit phing (SAC) vudng goc v6i mit day (ABC). Biét hai mat phang (SAB) va (SAC) tao véi

N‘&I

A.

nhau géoc o théa man tana = % Thé tich khdi chop S.ABC bing
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Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

A. V=8. B.Vzé. C.V=§. D. V=4.

3 3
Cho lang tru ABC.A'B'C’c6 chiéu cao bang 8 va dién tich day bang 9. Goi M,N lan luot la
trung diém cua A4', BC. D la diém thoa man AD=24N . Mit phing (P) qua M, D va song
song v6i BC cit BB', CC' lan luot tai £, F. Thé tich cua khéi da dién 16i ¢ cac dinh 13 cac
diém A, B, C',M,E va F bﬁng
A. 36. B. 24. C. 48. D. 39.
Cho tr dién déu ABCD c6 canh bang a. Goi M, N lan luot 1a trung diém cta cac canh AB, BC

va E la diém d6i ximg véi B qua D. Mt phang (MNE) chia khéi tr dién ABCD thanh hai
khdi da dién, trong d6 khoi chira diém A4 c6 thé tich ¥ . Thé tich V' bang

3 3 3 3
A.V:Hﬁ“ . B.V:NE“ . C.V=‘/§“ . D.V=13\/§a .
216 216 8 216

Cho hinh chép SABC c6 dién tich day bang 10, chiéu cao bang 9. Goi M, N, P lan luot 1a trong
tam ciia tam giac SAB,SBC,SCA . Thé tich ciia khéi da dién ABCMNP .

175 560 160
B. —. C.—. D. —.
3 9 9

Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a. Biét 4B 1L SB, AC 1 SC, goc giita
hai mit phing (SAB) va (SAC) bang 60°. Thé tich khdi chép S.4BC bing
3 3 3 3
V2. B, Y3 c. a3 p. ON2
24 36 6 36
Cho khéi tir dién ABCD c6 thé tich V . Goi G,, G, G;, G, latrong tdm cua bdn mit cua tir dién
ABCD . Thé tich khéi tr dién G,G,G,G, la:
AL B. L. c. = D.~.
27 18 108 81
Cho khdi chop S.ABCD c6 day la hinh thang cén (AD|| BC), khoang cach gitta AD va BC
bﬁng a,BC=a, 5S4 J_(ABCD),SA =2a. Trén canh BC léy diém M sao cho
MC =x (0<x<a). Thé tich khdi chép S.CDM 16n nhét khi d6 dai MC béng

a2 a3

A. . B. C. a D. .
2 2
Cho tir dién ABCD c6 thé tich 1a V. Piém M thay d6i trong tam giac BCD. Cac duong thang
qua M vasong song v6i AB, AC, AD lan lugt cit cac mit phang (ACD), (A4BD), (A4BC) tai
N, P, O.Giatri 16n nhat cia khdi MNPQ 1a
L B.Z. c. L. . 2L
27 18 81 27
Cho khéi lang tru ABC.A'B'C’ ¢6 thé tich bang 2. Goi M 1a trung diém cta doan thang 44’ va
N 1a diém nidm trén canh BB' sao cho BN =2B'N . Puong thang CM cat dudng thing C'4’ tai
P, duong thang CN cét dudng thang C'B’ tai Q. Thé tich ciia khdi da dién 16i 4'MPB'NQ bing
A.Z. B.é. C.Z. D.Q.
9 9 3 9
Cho khéi ling tru ABC.A'B'C'. Goi M, N lan luot 1a trung diém cua doan thing 44’ va BB'.
Tinh ti s6 thé tich cta khdi tor dién CMNC' véi khdi lang tru da cho.
1 1 2

A. —. B. —. C. -. D.g.
3 2 3 4

A. 60

A.

|
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Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

TAI LIEU TONG ON TAP TNTHPT 2020
Cho khoi 1ap phuong ABCD.A'B'C'D' canh a . Goi M, N lan luot la trung diém cta doan thang
A'D' va C'D'. Mat phang (BMN) chia khoi 1ap phuong thanh hai phan, goi V' 1a thé
tich phan chtra dinh B'. Tinh V' ?
3 3 3 3
A B B. 1% c. 24 p. 1o
72 24 24 72
Cho khdi lang truy ABC.A'B'C’' c6 thé tich bang 6. Goi diém [ 1a trung diém AA' va diém N
thuoc canh BB’ sao cho B'N =2BN Pudng thang C'I cit duong thang CA tai P, duong thing
C'N cit duong thang CB tai Q. Tinh thé tich khéi da dién 16i AIPBNQ
A. Z B. E C. E D. Z
9 18 9 3
Cho khdi lang try ABC.A'B'C' c6 thé tich bang V . Goi diém M 1a trung diém A4’ va diém N

thuoc canh BB' sao cho BN =%BB'.Du'(‘)'ng thaing C'M cit duong thing CA tai D, duong

thing C'N cat duong thang CB tai E. Ti sb thé tich khdi da dién 16i AMDBNE va khéi lang tru
ABC.A'B'C' 1a
A B. L. c. L. p. 2.
18 18 12 15
Cho khdi ling tru ABC.A'B'C’ ¢6 thé tich bang 1. Piém M 1a thuoc canh A'B' sao cho
1 , , , , :
A'M =§A'B'. Mt phang (BCM) cat duong thang AA4' tai F, va cdt dudng thing A4'C’ tai G .

Thé tich khdi chop FA'MG bang
A= B. L. c. 2. D. -
24 6 36 54
Cho lang tru tam giac ABC.A'B'C’ ¢6 day la tam giac déu canh a, diém A’ cach déu ba diém 4,
2

B, C vadién tich tam giac ABA' bing & 3 Thé tich khéi da dién A'B'C'BC bang

3 3 3 3
A.“ﬁ. B.“ﬁ. C.“ﬁ. D.“ﬁ.
6 24 8 12

Cho ling try déu ABC.EFH ¢4 tat ca cac canh bang 1. Goi S 1a diém ddi Xxung cua 4 qua BH.
Thé tich khéi da dién ABC.SFH bing

AL S ES e B3 D. L.
2 3 6 6

Cho khéi lang tru ABC.4,B,C, c6 thé tich bang 30. Goi O 1 tim ctia hinh binh hanh ABB, 4, M
va G la trong tim tam giac 4,B,C,. Tinh thé tich khi t dién COGB,.
AL B. k=10 c.2. p. 2.

3 81 2 ‘ 3
Cho khoi chép S.ABCD c6 theé tich bang V. Goi M, N, P, Q lan luogt la trong tm cac mat
bén (S4B), (SBC), (SCD), (SDA). Goi k 1a ti s6 thé tich cta khéi chop S.MNPQ va phan con
lai 1a. Khi dé:

16 15 4 4

A k=—V. B. k=—V. C.bk=—V. D. k=—V
81 4 23 23
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THE TICH KHOI PA DIEN

THE TiCH KHOI PA DIEN

® Thé tich khoi chép |V, =—-S.. . chiéu caol.

1
chép 5 day

@ Thé tich khoi ling tru |V, S.... chiéu cao|.

lang tru = day

Thé tich khéi lgp phwong véi a ld canh.

Thé tich khéi hép chiv nhit Vi a, b, ¢ lan lwot la chiéu dai, chiéu réng va chiéu cao.
® Xdc dinh dién tich day:

1 1
o S — Eaha =—absinC = \/p(p —a)(p—=>b)(b—c)|, vdi p = %‘H.
a
h 2
¢ Stam gidc vuong = %X (tiCh hal Canh géC VuOng) - e S[am aidc déu — M .
. _ (canhhuyén)®| - [~ (ddy 16n + ddy bé) x chiéu cao|
tam gidc vuong can Hinh thang
4 2
° S}ﬁnh chit nhat = déu X rong . ® SH‘mh vuong = (Canh)2 b

@ Xdc dinh chiéu cao:

o Hinh chop co 1 mdt bén vuong goc voi mdt day: Chiéu cao cua hinh chop la chiéu cao cua tam gidac
chita trong mat bén vuong goc voi day.

« Hinh chép cé 2 mdt bén vudng géc véi mit day: Chiéu cao cia hinh chdp la giao tuyén cia hai mdt
bén cung vuong goc voi mdt phang day.

« Hinh chdp cé cic canh bén bang nhau: Chin dong cao ciia hinh chép la tam dwong tron ngoaqi tiép
. da gidc day. ’
Cin nhd: Ti so thé tich khoi chop c6 day la tam gidc ‘ g
Cho khoi chop S.ABC, trén cac dogn thang SA, SB, SC lan lwot :
ldy cac diem A', B', C' khdc S. Khi d6 ta luén cé ti so thé tich:
VS'A/B/C/ _ SA’ SB’ SC’
% SA SB SC

S.ABC
Chi ¢6 ti 56 thé tich khoi chdp day tam gidc, khong co ti 6 khoi chép
day tik gide. Khi tinh ti s6 khoi tir gide, ta can chia ra nhitng hinh A
chop co day la tam giac.

CAU HOI CUNG MUC PO VOI PE MINH HQA

DANG CAU HOI NHAN BIET
Cau 1.  Thé tich khéi lang tru c6 dién tich day bang B, chiéu cao bang 4 1a
A.V=%Bh. B.V=§Bh. C.V=Bh. D. V =3Bh.
Loi giai
Chon C
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Thé tich khéi liang tru c6 dién tich day bang B, chiéu cao bang 4 1a V = Bh.

Cau2. Cho khdi lap phuong c6 canh biang 6. Thé tich ctia khdi 1ap phuong da cho bang
A. 216. B. 18. C. 36. D. 72.
Loi giai
Chon A
Thé tich khoi 1ap phuwong c6 canh bang 6 1a ¥ =6° =216.
Cau 3. Thé tich khdi 1ap phuong canh 2 bang
A. 6. B. 8. C. 4. D.2.
Loi giai
Chon B
Thé tich khoi 1ap phuong canh a 1a ¥V = a*.
Vay thé tich khéi 1ap phuong canh 2 1a: V' =2’ =8.

Cau4. Cho khdi chop c6 dién tich day B =3 va chiéu cao & =4 . Thé tich cta khdi chép da cho bang
A. 6. B. 12. C. 36. D. 4.
Loi giai
Chon D

. . 1 1
Ta c6 cong thirc thé tich khoi chop V = E.B.h = 3 34=4.

Cau5. Thé tich khdi chép c6 dién tich day bing 24°, chidu cao bing a+/3 1a

3 3 3
Ay 23 g.szaﬁ. C.V=2a3. p. V=2
9 3 3

Loi gidi

1S

Chon B
Thé tich khéi chop c6 dién tich day bdng B = 24>, chidu cao bing /= a3 1a

11 24°\3
V=—Bh=—.2a2.af= .

3 3 3

Cau 6.  Thé tich khdi chop c6 dién tich déy bang a”, chiéu cao bang 2a 1a
3 3
AV =64, B.V:%. C.V=2d. Q.Vz%.
Loi giai
Chon D
A Ly A , 1AL s ; M 2 A N \ 1 1 2 2a3

Thé tich khoi chop c6 dién tich ddy bang a”, chiéu cao bang 2a 1a V = gBh = g.a 2a= =

Cau7. Thé tich khéi lang tru c6 dién tich ddy bang 34, chiéu cao bang a 1a
3 2 3
AV =3a. B.V=“?. C.V=d. D.Vz%.

Loi gidi
Chon A
Thé tich khdi lang tru ¢6 dién tich day bang 34, chidu cao bang a 1a ¥ =3a*.a =34°.

Cau 8.  Thé tich khéi hop chit nhat co ba kich thude lan luot 1a 3,4,5 bang
A. 7 =120. B. V =20. C.V =30. D. V =60.

Loi giai
Chon D
Thé tich khdi hop chit nhét ¢6 ba kich thudc 1an luot bang 3,4,5 1a V' =3.4.5=60.

Cau 9. Cho khdi chop co dién tich ddy B =6 va chiéu cao /# =3. Thé tich ctia khéi chép da cho bang
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

TAI LIEU TONG ON TAP TNTHPT 2020

C.9.
Loi giai

A. 6. B. 18. D. 36.

Chon A
Ta c6 cong thirc thé tich khdi chép V = %.B.h = %.3.6 =6 nén chon dap an A.

Thé tich khéi lap phuong canh 5 bang
A.15. B. 25. C. 125. D.

Loi giai

75.

Chon C
Thé tich khéi 1ap phuong canh a 1a V =a’.
Vay thé tich khi 1ap phuwong canh 5 1a: V' =5 =125.

Cho khéi 1ap phuong c6 d6 dai duong chéo bing 6v/3 . Thé tich cua khdi 1ap phuong d6 bing

A. 81V3. B. 216. C. 2443, D. 16246 .
Loi giai
Chon B
Goi d la dwong chéo ciia khoi lap phwong va a la canh ciia né, ta cé6 d* =3a> = a :%.

Suy ra canh bang az%zﬁDodé V=a=216.

Thé tich khdi 1ap phuong ABCD.A'B'C'D' ¢6 AC' = a3 bing

A.a’. B. a’. C. 2a. D. 3a.
Loi giai
Chon A
C“Y B!
I\
N
D' | A\ ,
RS A4
| \
\
: \
\
CL.____.\—’— LB
/ S~__-X¥Y
/SN
- ~N
D A

ABCD.A'B'C'D' ¢6 AC' = a3 = canh hinh lap phuong bing a.
Vay thé tich khéi lap phuong canh a 1a V = a*.

Cho khéi 1ap phuong co tong dién tich cac mit bang 294. Thé tich cua khéi lap phuong d6
bang

147 147
Al —[—. B. 49. C. 343. D.ﬂ.
2 V2 2
Loi giai
Chon C

Hinh ldp phirong ¢6 6 mat la 6 hinh vuéng bang nhau. Goi a la canh cia khoéi ldp phwong
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Ta c6 dién tich mot mat 1a S:2—z4:49=72:>a=7.Dodé V=a’=343.

Thé tich khdi 1ap phuong ABCD.A'B'C'D' c6 AC' =a /6 bing

A. 8a°. B. 64’6 . C. 242 D. 3a’\3.
Loi giai
Chon C
C:' B'
|
\
RN
D' | A\ ,
R 4
| \
| \
| \
\
/ ~ ~ ~ /Y
;TN
- ~N
D A

ABCD.A'B'C'D' ¢6 AC' =a~J6 = canh hinh lap phuong bing a+/2 .
Thé tich khéi lap phuong canh a 1a V =4*.

2 r 3
Vay thé tich khdi 1ap phuong canh a2 1a: V = (a\/i ) =24°2.

2\2

Khdi chop S.ABC c6 thé tich V = =5 va dién tich ddy B =+/3. Chidu cao ctia khéi chép

S.ABC bang
A 26 B 206 o 22 p. 26
9 3 3 27
Loi giai
Chon B
Chiéu cao ciia khoi chop /= S = & = & nén chon dap anB.
B 3 3
Cho khoi hdp chit nhat ¢6 ba kich thudce 1a 3;5;7. Thé tich cta khdi hop do béng
A. 35. B. N% C. 105 D. 15.
Loi giai
Chon C

Céng thikc tinh thé tich khoi hép chir nhdt cé ba kich thuée a,b,c la V = abc.
Dodd V=abc=3.57=105.

Thé tich khéi 1ap phuwong ABCD.AB'C'D' c¢6 AB' =+/2 bing
A 242, B. 2. C. 1.

Loi giai
Chon C

D. 3.
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C’ B’
|
|
D' I A'
|
|
|
|
Cle — ——— — 5
/
/
D A

ABCD.A'B'C'D' ¢6 AB'=+/2 = canh hinh 13p phuong béng 1.
Thé tich khoi lap phuong canh a 1a ¥ = 4*.
Vay thé tich khéi lap phuong canh 1 1a: V' =1° =1.

Cau 18. Chp khéi chép S.ABCD co thé tich bang &, d‘éy ABCD 1a hinh vuéng. Biét chiéu cao cia
khoi chop 1a 4 =3a . Canh hinh vuong ABCD bang

A. a. B. L. C. aV2. D. a\3.

NE)
Loi gidi
Chon D

. X . \ ! n o
Goi canh hinh vuong 13 x. Ta ¢c6 —x*.3a =a’ = x =a nén chon dap anA.

Cau 19. Cho khdi 1ap phuong ABCD.A'B'C'D’ biét AC =62 . Thé tich cita khdi 1ap phuong d6 bing

A. 43242 B. 108. C. 216. D. 486 .
Léi gidi
Chon C
B —_c
A s il
l
= o}
R - -

Taco AC=632= AB=6=V =6’ =216.
Céu 20. Thé tich khdi 1ap phuong ABCD.A'B'C'D’ ¢6 AB' =2 bang
A. 8. B. 242 . C. 1632 D. V6.
Loi giai
Chon B
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c’ B’
|
|
D' I A'
|
|
|
|
Cle — — —— — s
/ /
/
D A

ABCD.A'B'C'D' ¢6 AB' =2 = canh hinh lap phuong bang /2 .
Thé tich khoi lap phuong canh a 1a V =&’

” , 3
Vay thé tich khdi lap phuong canh 2 1a: V' =(2) =2v2.

Céu 21. Cho khéi chép S.ABC c6 SA vuong goc véi day, AC =3, AB=4, BC=5 va SA=3. Tinh
thé tich ¥ ctia khéi chop S.4BC .
A. V' =18. B.V=6. C.V=12. D. V' =20.
Loi giai
Chon B
Tam giac ABC vubngtai A. B= %AB.AC = %3.4 =6=>V = %6.3 =6 nén chon dap an

B.
Cau 22. Thé tich khéi 1ap phuong ABCD.A'B'C'D' ¢ AB' =a~2 bing;
A a’. B. 2a°. C. 4a’. D. 6a’.
Loi giai
Chon A

AABB' vudng can tai B nén: 24AB> = AB” = AB=a.
Thé tich khdi lap phuong 1a a’.

Ciu 23. Thé tich khéi 1ap phuong co canh V2a bang
A. 84°. B. 24°. C. 2\24°. D. 6a°.
Loi gidi
Chon C
Thé tich khdi 1ap phuong ¢6 canh v2a bing (v2a)’ = 2v24°.

Céu 24. Thé tich khdi hop chir nhat c6 d6 dai cac canh 1an lugt 1a a,2a,3a bang:
3
A. 24°. B. 64’ . C. 2% D. 34°.

Loi giai
Chon B
Thé tich hop chir nhat: a.2a.3a = 64°.

Ciu 25. Thé tich khéi tt dién déu c6 canh 2a bing

A. a3£. B. a3£. C. &cﬂ D. &cﬂ
4 12 3 3
Loi giai
Chon C
3
Thé tich khéi tr dién déu bing: ¥ = (24)’ % - 2‘/35‘1 .
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Ciu 26.

Cau 27.

Cau 28.

TAI LIEU TONG ON TAP TNTHPT 2020

Thé tich khéi ling tru c6 dién tich day 3a’ va chiéu cao a 1a

A V=3a. B.V=a. C.V=9. D.V=6a.
Loi giai
Chon A

Thé tich khéi chép V =Bh=3a".a=3a’.
DANG CAU HOI THONG HIEU

Cho khéi lang tru dimg ABCD.A'B'C'D’ ¢6 ddy ABCD 1a hinh thoi canh « . Biét BAD = 60°,
AA' = a . Thé tich ctia khéi lang tru di cho bang
@3

a*\3 a3

A. . B. . C. a3, D. .
2 6 3
Loi giai
Chon A
A’ D'
BF ; Cl
. 7S W
60° ) D
B — C

ABCD 13 hinh thoi canh @ ¢ BAD =60°nén ABAD 1i tam gidc d&u canh

NP

a =800 =285 5 :2.T: 5

Do khéi ling tru ABCD.A’'B'C'D’ 1a lang tru dmg nén dudng cao cua lang trula 44’ =a.
, . 23 V3

Thé tich khéi lang tru 1a V = A4S 5., = a.% =2 ;/_ .

Cho khéi lang tru ding ABC.A'B'C’ . Biét AB=3cm, AC =4cm, BAC=60", AA'=2cm.
Thé tich ctia khdi lang try da cho bang
A. 643 (cm?). B. 24/3 (cm?). C. 633 (cm?).

Loi giai

D. 6 (cm?®).

Chon C

B! (%

Sy e = %AB.A C.sin BAC = %3.4.sin 60" =3+/3 (cm?).

Do khéi lang tru ABC.A'B'C’ 1a lang tru ding nén dudng cao cia lang tru la A4’ =2cm.
Thé tich khéi lang trula V = 44'S, .. = 2.343 = 63/3 (cm?).
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Ciu 29. Cho khbi liang tru dimg ABCD.A'B'C'D' ¢6 day 1a hinh thoi canh a, BD =a~/3 va AA'=4a
(minh hoa nhu hinh bén). Thé tich ciia khéi ling tru da cho bang

_4: n
B o
i:‘j! ___________________ D
B*¥ C
2 3 4 3
A. 243a°. B. 4434’ C. *E“ . D. f’“ .
Loi giai
Chon A
A )
B c
4da i
da o
a - N PPt
- _a--mTTav'd
- - - - I h ~
B e
BD a3

Goi [ = ACNBD . Tacé: ACJ_BD,BI:T— 5 . Xét tam giac vuong BAI vudng tai [ :

2
a\/gJ _az_ﬁ_az

A12=BA2—BIZ:a2—( ; —:AIz%:ACza.

4 4
2
Dién tich hinh binh hanh ABCD: S, =25, 50 = 2.%31.,40 = 2%#.61 =2 f .
R , a3
Vay: Visep awen = Sapcp-AA"= 5 4a=23a"

Ciu 30. Cho khdi liang try dung ABCD.A'B'C'D’ c¢6 day ABCD 1a hinh chit nhat c6 AB=a,
AD = a3, AA' =2a . (minh hoa nhu hinh v& bén).
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A’ D'
P c
VI
D
B c
Thé tich cuia khdi lang try da cho bang
3 3
A 243, B. &3, c. 3‘5 D. 2a3¢§_
Loi giai
Chon A
a’ D'
P c
I
D
P c

S pep = AB.AD = a.aJ3 = a*/3 .
Do khéi ling tru ABC.A'B'C’ 1a lang tru ding nén dudng cao cia lang tru la 44’ =2a.
Thé tich khéi lang trula V = 44'.S ., = 2a.a*\3 =24’ /3.

Cau3l. Cho khéi ling tru démg ABCD.A'B'C'D’ ¢6 ddy ABCD 1a hinh vudng canh a~/2 . Biét goc giita
A'B v6imit phing (ABCD) bang 30°. Thé tich ctia khéi lang tru d cho bang

3 3 3
A."‘/g. 5.2“‘@ c.z"‘g. D. 24’6 .
3 3 3
Loi gidi
Chon B
AI DY
B' III E C'
S 7 S -
/ e D
160°
5
B C

2
S ipep = (a\/i) =2a’.
A'A L (ABCD)= goc gitta A'B véi mat phang (ABCD) 1a A'BA =30°.

a\/6
-

Tam gidc A’AB vuongtai 4 = A'A = AB.tan A'BA=
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: . 2a°/6

Thé tich khéi ling tru1a ¥ = 44", = “T‘/_

Ciu 32. Cho khdi lang tru ding ABC.A'B'C’ ¢6 day 1a tam giac vudng tai 4. Biét 24B = AA'=2a,
ABC =« (minh hoa nhu hinh v€& bén).

A’

Thé tich ctia khdi lang tru di cho bang
3 3
A. a’sina. B. %.tana. C. d'tana. D. %tana.

Chon C

a

B

Tam gidc ABCvudngtai 4 c6 AB=a, ABC =a nén AC = AB.tana = a.tana .
1 1 a’
=S =—AB.AC=—ag.a.tanqg = —.tan .
AABC 2 2 2
Do khéi ling tru ABC.A’'B'C’ 14 liang try dumg nén duong cao cia ling tru 1a A4’ = 2a

2
Thé tich khéi lang tru la V = A4S, ,. = 2a.%.tana —d.tana .

Cau33. Tinh thé tich khéi ling tru dimg ABCD.A'B'C'D' biét ABCD 1a hinh thoi co
AC =10cm, BD = 8cm va dién tich hinh chit nhat ACC' 4" bang 50cm”.

A. 400cm’ . B. 2000cm’ . C. 4000cm’. D. 200cm’.
Loi giai
Chon D
Dién tich mit day B = %AC.BC = %.10.8 = 40cm®
s S 1 \ \_Saccra_ 50
Dién tich hinh chit nhat S -0 4= AC.CC'< CC'= —C 10 Scm

Vay thé tich khdi lang tru 1a V = B.h = 40.5 = 200cm’

Ciu 34. Cho khéi chép S.4ABC c6 day ABC la tam giac déu c6 canh bang a, SA vudng goc voi day va
SA =2a . Tinh thé tich cta khoi chop S.4ABC.
3 3 3 3
‘“/5. B.“‘/g. c.‘“/z. g.‘“/g.
2 3 6 6
Loi giai

A.
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Chon D
Cong thirc thé tich khdi chop co dién tich ddy B va chiéu cao & la: V = %.B.h .
SAvudng goc voi day nén h =S4 =2a.

Do day ciia hinh chép 1a tam gidc 4BC déu nén dién tich day ctia hinh chop 1a: B =

2 3
Viy thé tich khéi chép S.4BC 1a: V = %.B.h = % a f 2a=2 f

Ciu 35. Tinh thé tich khdi lang try dimg ABC.4'B'C' biét ABC 1a tam gidc vudng can tai 4 c6
BC=a+2 va AC'=a\/§.

a’\3
L

nén chon dap &n D.

3
A. 24’ B. 24°. C. % . D. a’.
Loi giai
Chon D
Taco AB* + AC? = BC? < 24B? = BC? < 24B* =24* < AB* =4* < AB=a
Dién tich mat day B = %AB.AC = %.a.a = %az

CC'=AAC? = AC? =542 —a? =24
Vay thé tich khdi lang tru1a ¥V = B.h = %a2.2a =a.

Cau 36. Tinh thé tich khdi ling try dimg ABC.A'B'C' biét ABC la tam giac déu canh a va

AC'=av5.

3 3 3
A O3 g.aﬁ. c.aﬁ. D.d’.

4 2 6

Loi giai
Chon B
2

Dién tich mat day B = %AB.ACSin A= %.a.a sin 600 = #

CC = AC?— AC? =~5a% —a® =24

Vay thé tich khoi lang tru 12 ¥ = B.h =

R A
2 2a= .

2

Ciu 37. Tinh thé tich khdi ling tru dimg ABC.A'B'C' biét AB=5cm, AC =12cm,BC =13cm va

CC'="lcm.

A. 210em>. B. 70cm’. C. 105¢cm”>. D. 35cm’.

Loi giai
Chon A
5+12+13
Ta c6 Nura chu vi ctia tam gidc la: p= — =15

Dién tich ctia tam giac la:
S =\/p(p—5)(p—12)(p—13) =\/15(15—5)(15—12)(15—13) =30.
Vay thé tich khdi lang tru 12 ¥ = B.h=30.7=210cm> .

Ciu 38. Tinh thé tich khdi ling tru dimg ABC.A'B'C' biét AB=13cm, AC =14cm, BC =15¢m va
CC'=10cm.
A. 420cm’. B. 840cm’ . C. 420cm’. D. 140cm’ .
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Cau 39.

Cau 40.

Loi giai
Chon B
_13+14+15

Ntra chu vi: p S 21..

Dién tich: S =/ p(p—13)(p—14)(p —15) = 84..

Vay thé tich khdi lang tru 13 ¥ = B.h = 84.10 = 840cm” .

Cho khéi chop tam giac déu cé tat ca cac canh bang 2a . Thé tich cua khdi chop da cho bang

3 3 3 3
A. 8% B. 4*?“ . C. 8‘/35“ . D. 2‘?“ .
Loi gidi

—a*\3; AO=%AM=%2G\/§=2a\/§,

Tacé SO L (ABC) va S 50 = 5 3

(2a) 5
(20

SO =S4 - 40" = \/(2a)2 —[2“3‘/5}2 _2av6

3

2a+/6 _ 2\503
3 30

Cho khbi chép tir giac déu c6 canh day bang a, cac canh bén bang 2a. Thé tich ctia khdi chop
da cho bang

Viy thé tich khdi chop 14 V, ., = %.SABC.SO = %.aZ\/E :

3 3

Tacod SO L(ABCD) va S ., =a’; AO="—= ,
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SO =~S4* - 40? =\/(2a)2 —(“;J _aVi4 .

2

Vay thé tich khéi chép 1 ¥, ., = %.SABCD S0 = %.az. “Jf = @cf .

Ciu 41. Cho khdi chop tam giac déu c6 canh day bang a, cac canh bén bang 2a . Thé tich cua khdi

chop da cho bang
3 3 3 3
A 3330 B. g c. 82 p. Y’
12 12 3 6
Loi giai
Chon B

Tacod SO L(ABC) va S

4BC ~

2
SO = SAZAoz—J(za)Z(é] _ a3

3
1 a3 a\/g_x/ﬁa3

, . 1
Vay thé tich khoi chop 1a 7, =—.8 3080 =—.
ay p s.apC = 3D asc 37 4 3 12
Ciu 42. Cho khdi chppS.ABCD co day 1a hinh vuong canh a. Canh bén SA vudng gbéc voi day.
SB = 2a; Thé tich cua khoi chop S.ABCD bang:

3 3 3 3
A, A2 B. L . c. 22 D. V3’
3 3 3 3
Loi giai
Chon D
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S4 1 (ABCD)
Theo gia thiét ta ¢ (4B =4
SB=2a
Do do:
Siscp = a’.
SA=SB*— AB* =/(2a)’ —a* = a\l3
1 \/— 3a
Vay Vepep = ES ABCD a\/g =
Ciu 43. Cho khdi chop tam giac déu co tit ca cac canh déu bang 2a . Thé tich cta khéi chép d6 bang:
3 3 3 3
A.Zﬁh . B.JZI. C.j& . D.Z&%.
3 3 12 9
Loi giai
Chon A
S
A C
2a
B
. A . X \ A , . ., |AB=2a
Goi khoi chop déu 1a S.ABC, Hlatrong tam cia AABC . Khi d6
SH 1 (ABC)
Tacod S,z = (2a) V3 =a’\3
o2 2aV3 _ 2a\/—
3 2 3
2 2 2 1 12 2
SH =~/SC* - HC? = \/(2 )= ( “*/_ j_;a Voase =5 SH S ipe =5 \J/__“ a*\3 = \/_a

Céu 44. Cho khdi chop tam giac déu ¢ canh déy bang a, canh bén bang 3a . Thé tich cia khéi chop

d6 bang
3 3 3 3
A. 22a . B. V2a . C. V2a : D. V2a .
3 3 6 12
Loi giai
Chon C

Trang 14 Fanpage Nguyén Bio Vwong @ https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU TONG ON TAP TNTHPT 2020

[P R —————__

i
1
1

AB=a

Goi khdi chop déu 1a SABC . H1a trong tim AABC suy ra .
SH 1 (ABC)

a3 2 a\/_ ax/_

Khido S, =~ 4H =
SH =~SA*—AH® = (a\/_) Ly = 2a
BB
. 1 1 zf f _ 2
VaY Vyse =3 SHS e = Nk .

Cau 45. Cho hinh lang try ding ABC.A'B'C' c6 day la tam giac vuong tai A,AC:a,A/(ﬁ =60".
Duodng chéo BC' clia mit bén (BCC'B') tao véi mit phang (4CC'A4') mot goc bang 30°
Tinh thé tich ciia khdi lang try theo a.

3 3
A. 3. E_a3\/€_ C.a;/g. D.a;/g.
Loigiai
Chon B
A’ [ e
BY
A e . — '
B

Dudng chéo BC' ctia mit bén (BCC'B") tao v6i mit phang (4CC'4') mot gée bang 30°
Nén (BC',(4CC'4"))=(BC', AC") = BC'4 = 30"

B'C'= AC 5 =2a;AB =+ BC* — AC® = a3

cos 60
C'B = AB:sin30° =243 = BB'=2a/2
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Cau 46.

Cau 47.

V=BB'S,,. = 2aﬁ%a 3a=a’"6.

Cho hinh lang tru tam giac déu ABC.A'B'C' ¢6 AB=a, goc giira hai mat phéng(ABC ') va
(ABC) bang 60°. Tinh thé tich khéi lang tru di cho.

A. ﬁf. B. £a3. C. £a3. D. £a3.
4 4 8
Loi giai
Chon C

Goi H la trung diém ctia AB . Taco: CH = #

((4BC"),(4BC)) = (HC', HC) = CHC = 60,

Xét tam gidc CHC'vudng tai C'ta co: tan 60° = g—g — CC'=CH.tan 60° = 2 3 3= 3761

2
2 3
Viy V' =CC'S . =_32“,“ f _ 3“8ﬁ

Cho hinh lang try tam gidc déu ABC.A'B'C'c6 AB=a, dudong thing AB' tao v6i mat phang
(BCC'B') mot géc 30°. Tinh thé tich V' cua khoi lang tru da cho.
a*J6 a*6 B E a

A V= . B. V= . C.v . .
4 12 4 4

Loi giai
Chon A
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¢

A'

Goi M la trung diém BC, do tam gidc ABC déunén AM 1 BC,ma AM 1 BB'nén

AM 1 (BCC'B'). Suy ra hinh chiéu vudng géc cia AB' trén (BCC'B')1a B'M .

Viy goc giita duong thing 4B’ va mit phiang (BCC'B') 1a gbc AB'M va AB'M =30°.

AM = “23 = AB' =a 3

— AA' =N AB? - A'B” = a2
a*\6

V= .
4

Mot hinh hop ding c6 day la hinh? thoi canh a, gbc nhon 60° va duong chéo 16n cua day béng
duong chéo nho cua hinh hdp. Thé tich cua khoi hdp do 1a
Jé6a®

NEYS

A. a’. B. x/§a3. C. . D. .
2 - 2
Loi giai
Chon D
B a C
a N
y 602 -
D
Blf:’_,____\_\\ _______
,,/z < \‘\‘~ N C/
A D'

Tacé AC=BD' =a\3; BB =\BD"> —BD* =a\2
Vay thé tich khbi hop dimg bang

a*\J6

V=B.h=la.a 3.a\/_= .
2 2

Cho mdt tdm nhoém hinh chir nhat ABCD ¢ AD =60cm, AB =40cm . Ta gip tim nhom theo
hai canh MN va PQ vao phia trong cho dén khi 4B va DC trung nhau nhu hinh v& bén dé

dugc mot hinh ling tru khuyét hai day. Khi d6 c6 thé tao dwoc khéi lang tru véi thé tich 16n
nhit bang
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Cau 50.

B M
A x N P x
60cm 5
A. 40003 (cm’) B. 200073 (cm®)  C. 40033 (cm’) D. 400072 (cm’)
Loi giai
Chon A ‘ ‘
Day cua lang tru la tam gidc can c6 canh bén bang x, canh day bang 60—2x
60—2x

2
Puong cao tam giac do 1a 4H = \/ x’ —( j =/60x—900 , v6i H la trung diém NP
Dién tich day 1a

S=8p= %AH.NP =/60x—900.(30-x) = 31—0\/(6Ox—900)(900—30x)(900—30x)

3
~s< b (9_‘;(’) =1003 (cm?)

730
Dién tich ddy 16n nhat 1a 100v3em’ nén thé tich 1on nhét 1a ¥ = 40.1005/3 = 40003 (cm*).

Cho lang try ding ABC.A'B'C’ ¢ day 1a tam giac déu canh a va AB' vudng goc v6i BC'.
Theé tich cua lang tru da cho Ia.

3 3 3 3
A.“*/g. B.“*/g. g.“*/g. D.“‘/g.
12 4 8 24
Loi giai
Chon C

A'

Goi 7 1a trung diém BC . Vi ABC.A'B'C" 1a lang tru tam giac déu nén.
Al L(BB'C'C)=>AI L BC".

Lai ¢6 gia thiét AB' L BC' nénsuyra BC' L (AIB')=>BC'LB'I.
Goi H=B'I"BC".
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3 HI Bl 1
Taco ABHI dongdang AC'HB' > ——=——=—=B'H=2HI = B'I =3HI .
B'H B'C' 2

2 2
Xét tam gidc vuong B'BI ¢6 BI* = HI.B'I =3HI :le,/% =4/i’—2 - “23 .
2 2
Suyra BB'=~B'I*-BI’ = & |4 :a\/z.
2 2 2
B aff G

4 2 8
Ciu 51. Cho hinh ling tru tam giac déu ABC.A'B'C’. Biét khoang cach tir diém C dén mit phing

Vay V=S, ,,..BB'=a’

. . . , . . 1
(ABC') bang a, gbc gilta hai mat phang (ABC') va (BCC'B') bang a véi cosa =3 (tham
khao hinh duéi day). Thé tich khéi ling tru ABC.A'B'C’ bang

A4’ (o

rd
e
/
A K
B
3 3 3 3
A.9a\/E_ B.3a\/E' C.9a\/E_ D.3a\/E'
20 20 10 10
Loi giai
Chon A

Goi M la trung diém ciia AB, G la trong tAm tam giac ABC.

CC' L AB
Ta co:

CM 1 AB
nén néu goi H 1 hinh chiéu vudng goc cua C trén C'M thi H 1a hinh chiéu cua C trén mat
phang (A4BC') = d(C;(ABC’)) =CH=a.

Duyng duong thang di qua G va song song véi CH , cit C'M tai diém K .

= AB L (CC'M ) = (CC'M ) L(ABC').Ma (CC'M )N (ABC")=C'M
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GN L (A4BC") L : .
Ta cé nén goc gitta hai mat phang (4BC") va (BCC'B') 1a goc AGN =« .

AG L(BCC'B')

1 a GN 1 1 1 5
GN=-—CH=—; AG= =a = AB=AG~N3=a3; = - =
3 3 cosa \/_ a\/_ CC? CH* CM?* 94°
, 30\/5. > 3 323
= CC —T 5 SAABC_(a\/g) T = ) .
_9a3\/15

Vay thé tich khéi lang tru bang V = CC'.S, . = 20

DANG CAU HOI VAN DUNG - VAN DUNG CAO
Cau 52. Cho khbi lap phuong ABCD.A'B'C'D' canh a. Cic diém E, F lan lugt 13 trung diém
ctaC'B' va C'D'. Mit phiang (AEF) cét khéi 1ap phuong da cho thanh 2 phan, goi V] la thé
tich khéi chira diém A4' va V, l1a thé tich khéi chira diém C'. Khi do ; la:

2

A.é. B. 1. C.E. D.1—7.
47 17 25
Loi giai
Chon A

Dung thiét dién : PO qua A va song song véi BD (vi EF//B'D"/BD)

PE cét cic canh BB', CC' tai M va I. Tuong tu ta tim duoc giao diém N. Thiét dién la
AMEFN .

Dua vao duong trung binh BD va dinh li Ta — Iét cho cac tam giac I4AC, DNQ, D' NF tatinh

duoc: IC'=§, NDzz?a. Tuong tu ta tinh duoc: MB=2?a.Vé.taCéi OD=PB=a

. lalaa a&@ . . ..z, ) L84
Taco: Ve :35555:5 Dung ti 1€ thé tich ta co: V- =8V :64.5:7
1 2a 1 a’ 8a’ o a 47a
Vo ==—-—-a.a=—= SV, =" 2" =
NADQ 3°3 2 9 MPAB 2 9 7 9 7

s 474°  254° A
72 12 v, 47

Thé tich khéi 1ap phuong 4BCD.4'B'C'D' 1a ¢’ nén V, =a’ —
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Ciu 53. Cho khéi lang tru ABC.A'B'C’. Goi E, F lan luot 1a trung diém cua cac doan thing CC’ va
BB'. Puong thang A'E cat duong thang AC tai K, duong thang A'F cat duong thang AB
tai H . Tinh ti s6 thé tich khdi da dién 16i BFHCEK va khi chop A'ABC .

A. l B. l C.2. D. 1.
3 2
Loi giai
Chon C

H

Taco: Vo upe +Vaspcoe =Viscaser V& V4150 = EVABCAA'B'C' =>Vspcoc = EVABCAA'B'C'

, 1 X
Do dd V, grpe =Vyppcr = EVACB.A'B'C' (V1 Spize = Sepce )= Vi ase =Vasrsc -

Ta co: Vyasc _ Viase _ AA" AB ‘AC zl‘
wamk Vi AA" AH AK 4

1 1

= VA'AABC = VA'ABFEC = ZVAAA'HK = VBFHCEK 3 EVAAA'HK'

Do do Lortces _p

A'.ABC
Ciu 54. Cho hinh hop ABCD.A'B'C'D' ¢6 M, N, P lan luot 1a trung diém ba canh A'B’, BB' va
D'D. Mit phiang (MNP) cét dudng thing A'A tai 1. Biét thé tich khéi tr dién IANP 1a V.
Thé tich khdi hop di cho ABCD.A'B'C'D’ bang
A. 2V, B. 4V, C. 6V. D. 127.
Loi giai
Chon B

At

0 A
Goi Q=(MNP)NA'D'. Theo tinh chat cua giao tuyén suy ra MQ || NP nén Q la trung diém
ciia A'D'. Suyra M, QO lan luot 1a trung diém IN, IP.

Viewo 1A IMIQ 111 1 4
Ta co: M=—.—.—Q=—.—.—=—:>V,A,MQ =—.
Vow 1A INIP 322 12 " 12
— 1 Ay 11 -, 1 1
Mit khac V, ., = 5af[],(A B'C'D') ]S i =§5d[,4 ,(ABCD)].gSA,B,C,D, =25 nco.rwen-

Tadosuyra Vyep jpon =4V.
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Cau 55.

Cau 56.

Cho khéi chop S.ABC c6 ddy ABC la tam giac vudng can tai 4, AB=a, SBA=SCA = 90°,
goc gitta hai mét phang (S4B) va (SAC) béng 60° . Thé tich cua khéi di cho bing

3 3 3
A & B. L c. L. p. <.
3 2 6

Loi giai

Chon D

Hai tam giac vuéng SAB va SAC bang nhau chung canh huyén SA4.
Ké BI vudng géc véi SA suy ra CI cling vudng goc voi S4 va IB=1C.
SALIC,S4LIB= SA L (IBC) tai I.

Y 1 1 1 1

V. s IBC =§SMBCAI+§SMBCSI =§SNBC (AI+SI) =§SNBCSA.

S.ABC

=V

A.IBC
(($4B),(S4C)) = (1B,IC) = (IB,IC) = 60° = BIC = 60" hojc BIC =120".

Tacé IC=IB< AB=a ma BC=a2 néntam gidc IBC khong thé déu suy ra BIC =120".
Trong tam giac /BC dat IB=IC = x(x > 0) co:

2
2
B +1c -BC 1 2 —(aV2
cosloo? = B HIC ZBCT 1 (2 ) I (oS [
2IB.IC 2 2x 3 3
2
Trong tam giac ABI vuodng tai I co: Al =~ AB* —IB*> = |a’ _(ag/gj = a;/?

2 2
Trong tam gidc SAB vuong tai B dudng cao BI co: AB* = IA.SA=> SA= A]i =2 _—af3.

a3

3

2
3
Vay Vi e == %SNBCSA = %%IB.IC.SA sin BIC = é[#} a~/3sin120° = % .

Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bang 8 va dién tich day bang 9. Goi M,N,Pva
O 1an luot 13 tAm cta cac mit bén ABB'A’, BCC'B', CDD'C’ va DAA'D' . Thé tich cua khéi da
dién 16i c6 cac dinh 1a cac diém A4,B,C,D,M,N,P va QO bang
A. 27. B. 30. C.18. D. 36.

Loi giai
Chon B
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J \

\

\

\ \ :
\ P4
\/ . \ Vil

B' A"

Taco V pep ypoy =9.8=T72.

Goi 1, J, K, L 1an luot 1a trung diém cac canh A4', BB', CC', DD’ suy ra
Do hinh chép AMIQ d6n

VABCD.IJKL =36.

1
g dang v6i hinh chop A.B'A'D' theo ti s0 — nén
11,9 3
V =_V g /:_._.8._——.
A.MQOI 8 A.B'A'D 8 3 2 2
3
VABCD‘MNPQ =V sepms — 4VAAM1Q =36- 4-5 =30.

Cau57. Cho khbi lang tru ABC.A'B'C’c6 thé tich bang 1. Goi M, N lan luot 1a trung diém cua cac doan
thang AC va B'C". Goi (P) 1a mat phing qua M va song song v&i mat phang (A'NC) . Mit phang (P)
chia khéi lang try ABC.A'B'C’ thanh hai khdi da dién, goi (H) 1a khéi da dién chira dinh 4 . Thé tich
cta khoi da dién (H) bang

A2 p L
5 2
Chon D

Goi khdi lang truy ABC.A'B'C’ c6 thé tich bang V’

- Mit phing (P)qua M va song song véi mét phang (A'NC) nén mit phang (P)cit cac mit phang
(ABC),(A'B'C") lan luot theo cac giao tuyén ME,GF ((E € BC,G e A'B',F € B'C") cliing
song song AN
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Cau 58.

Cau 59.

- Mit phang (P)cat cac mt phang (A44'C'C),(BB'C'C) lan lugt theo cic giao tuyén

MI (1 e 44") songsong A'C,EF songsong CN. Ba duong thing M1, FG, A'C ' dong quy tai

K, ba duong thang M1, EF,CC ' dong quy tai J.

- Mat phang (P) chia khdi lang try ABC.A'B'C’ thanh hai khoi da dién, goi (7) 1a khdi da dién khong
chira dinh. ) .

Thé tich ctia khoi da dién (7) bang

Vl = VJC'FK - VJCEM - VI.A'GK = %SAC'FK JC ’_é'SACEM JC - %SAA'GK 14"

Oy Ly 1y 1, 1
16 48 24 2

\S)

a3

Cho hinh hop dtng ABCD.A'B'C'D" ¢6 AB=AD=a, AA'= 5 BAD 60°. Goi M ,N
lan luot 1a trung diém A'D’, A'B’. Tinh thé tich ctia khdi da dién ABDMN .

3 3
A B. 33a’ . c. % D. V3a .
16 8 16 8

Loi giai
Chon A

Goi S=BN N AA'. Tacé: SM ﬂzl Suyra M la trung diém ctia SD.
SD 4D 2
.S SM SN _ 1 3
Ma %: D SB 4 = Sywsp ZZSASBD‘
ASBD
Tam giac ABD c6 AB=AD =a, BAD = 60° nén tam gidc ABD 1a tam giac déu.
1 1 3 3
Visoun = gd[A’ BDMN :|‘SBDMN = _d [A’(SBD)}ZSASBD = ZVS,ABD'
31 aZ\/— 3a’
—S4.8 af
VR 16

Cho hinh hop ABCD.A'B'CD ¢4 chidu cao bing 8 va dién tich day bing 9. Goi
M,N,P,Q,Rva S 1an Iuot 1a tdm cua cac mat ABB'A', BCC'B', CDD'C', DAA'D', ABCD va
A'B'C'D"  Thé tich cua khéi da dién 16i co cac dinh 1a cac diém M,N,P,Q,R va S bang

A3, B. 24. C. 9. D.%.

Loi giai

Chon A
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Goi I, J, K, L lan luot 1a trung diém cac canh 44', BB', CC', DD'.

Do tam giac MIQ d6ng dang voi tam gidc B'A'D’ theo ti s6 % nén
1 1 9 9 9
SMI ZZSB’A'D' =§SA'B'C'D' Zg. Suy ra SMNPQ = SIJKL _4SM1Q = 9—4§ :E .

Goi A, h, 1an luogt 14 chidu cao ctia hai hinh chop RMNPQ, S.MNPQ = h, +h, =8.
Thé tich ctia khdi da dién 16i c6 cac dinh 1a cac diém M, N,P,0,R va S bang
9

1 1
Vzg(h.l +h2)SMNPQ =§8g=3

Cho hinh chép S.ABC c¢o SAJ_(ABC ), day la tam giac vudng can tai 4, Gla trong tam
AABC, khoang cach tr G dén mit phang (SBC) bang %. Goi a 1a goc gitta mit phang

(SBC) va (ABC). Khi thé tich khdi chép S.4BC nhé nhét thi cosa bing

AP B Y2 c? B
-3 2 3 2

Goi M la trung diém BC. Ta co:
BM 1L AM
BC 1S4

Goc gitra mat phang (SBC) va (ABC) la: o = SMA

— BC 1 (SAM)= BC L AM
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BC L(SAM) = (SBC) L (SAM); (SBC)N(SAM )= SM.
Ké GH L SM = GH 1 (SBC).

d(G,(SBC))=GH = %

. H
Xét tam gidc vuong GHM : GM =21 =% ap =36m =——
sina  3sina sin
Do tam gidc 4BC vudng can: BC =2AM = .2a .
sina
Xét tam gidc vuong SAM : SA =AM .tana =
cosa

1 a’
Suyra: V po ==S8SAS ) =——— > .
3 3sin“ a.cosa

Thé tich khdi chép S.ABC nho nhat khi sin’ &r.cos & 16n nhat.
bat x=cos.

Do O<a<% nén x e(0;1).

Xét ham s6 f'(x)=x(1-x") ta co: f’(x):1—3x2;f’(x)=0<:>x=?

Bang bién thién:

X ﬁ
3

7™ ¥ g :
f(x)

Tir bang bién thién ta c6: Thé tich khdi chép S.4BC nhé nhat khi sin® a.cos o 16n nhét khi

3
cosa =—.

Céu 61. Cho ling try ABC.A'B'C’c6 chiéu cao bang 8 va dién tich day bang 9. Goi M, N 1a hai diém
thoa man BM = k.BB'(k>1), CN =1.CC’ (1 <0). Thé tich ctia tir dién A4'MN bing

-1 _
NEaL iy B. 24. C.72. p, k-l
72 - 210
Lai gidi
Chon B
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Theo gia thiét BM =k.BB'(k >1), CN =1.CC' (1<0) suyra M e BB', N e CC' (nhu hinh v&)
Do BM ||(ACC'A')=>d (M ,(ANA'))=d(B,(ANA')).
Tacd Sy vy =Sucy
Cé
1 : 1 : 1 :
Vi = gd (M,(ANA')).S, 0 = 5al (B.(ANA')).S 00 = 5a' (B.(ACA")).Syice =Vp s

= 1.9.8 =24.
3

CAu 62. Cho khéi chép S.4BC c¢6 day ABC la tam gidc vudng tai B véi AB=+/6, BC=+/3,SC=3
va mit phing (SAC) vuong goc voi mat day (ABC). Biét hai mit phiang (SAB) va (SAC)

tao voi nhau goc @ thoa man tana = % Thé tich khoi chop S.4BC bang

A. V=8 Bv-2 cv=? D. V=4
3 3
Li giai

B
Dung BE L AC,EF L SA.
Vi (SAC) L (ABC) va (SAC)n(ABC)= AC nén BE L SA
Khi d6 SA L (BEF)=> ((SAB),(SAC))= BFE

:>tar1B/F\E=%:§:>]51::éBgzéAB'BC:4\/5
EF 4 3 3 AC 3
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Cau 63.

2 ——
Taco AE=2E o sinFap-EE %
AC

AE 32
= d(C,5A) = AC.sinSAC =242 va SA=2AC.cosSAC =2.

1 1 1 4
S 1% = =—BES,, =—V2=-22J2=—.
uy ra S.ABC B.SAC 3 SAC 3 \/7 2 \/7 3

Cho liang try ABC.A'B'C’c6 chiéu cao bang 8 va dién tich day bang 9. Goi M, N lan luot 1a
trung diém ciia 4A4', BC. D la diém thoa man AD =24N . Mit phang (P) qua M, D va
song song voi BC cit BB', CC' lan luot tai E, F . Thé tich cua khdi da dién 16i ¢6 cac dinh 1a
cac diém A', B', C', M, E va F bang
A. 36. B. 24. C. 48. D. 39.

Loi giai

Chon C

D 1a diém thoa man AD =2AN suy ra N 1a trung diém 4D . Goi / la trung diém MD suy
ra [ €(BCC'B'). Mt phing (P) qua M, D va song song v6i BC nén
(P) m(BCC'B’) =Ix||BC, xnBB'=E, xnCC'=F.

Ta co ]N=%AM=%AA’:>EB=FC=%AA’.

Viscanr _ l(A M, + BE, + CF,) Viwe e = 9.8.l(l+§+§j =48.
Visenwe 3\A4A" BB CC ' 32
Phuong 4n nhiéu A: Hoc sinh khong xac dinh dugc thiét dién, co yéu tb M 1a trung diém A4’

nén nghi mit phing (P) s€ chia doi lang truy.

Phuong 4n nhiéu B: 4p dung sai cong

it mcane Zl(AM BE CFJ21(1+1+1J:>V

’+ !+ ’ L 'BC. =24.
scapce  3\A4 BB CC 302 4 4 ABC MNP

Phuong 4n nhiéu D: Hoc sinh tinh duoc V), ., = %.4.9 =12. Cho rang EFC'B’ d6ng dang véi

9 9 9 2

! > LA 3
BCC'B’ theo ti s0 Z:> Serew ZESBCC’B’ =V mrew =g mscew =E.§.8.9 =27.
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Cau 64. Cho tir dién déu ABCD c6 canh béng a. Goi M,N lan luot la trung diém cua cac canh
AB,BC va E la diém d6i xtmg v6i B qua D.Mat phiang (MNE) chia khoi tir dién ABCD
thanh hai khi da dién, trong d6 khéi chtra diém A c6 thé tich V. Thé tich ¥ bang

1124 724 NoYS 13v24°

A V= B.V= C.V= . D. V=

216 216 8 216
Loi giai

Chon A

Goi Q=MEN AD, P =NENCD = mp(MNE) chia khi tir dién ABCD thanh hai khéi da
dién gdbm PODBMN va khéi da dién chira dinh A c6 thé tich V.
D@ thiy P,Q lan luot 1 trong tam cua ABCE va AABE.

Goi S ladién tich ABCD =S, = %SACDE = %SABNE =§.
4(Mm,(BcD)) =2
Goi & 1a chiéu cao cua ti dién ABCD = h2 .
4(Q(BCD)) =3
s 1 S.h S.h
Khi d6 V,, 4 :g.d(M,(BCD)).SABNE === Varr =5
‘ V2
Ma V,ep :E >,
7 Sh_ 7 11 1142
Suy 1a Viop vns = Vinsne = Voroe = 18 3 = 18 ABCD =V= EVABCD = Ea3'

Ciu 65. Cho hinh chép SABC co dién tich day bang 10, chiéu cao bang 9. Goi M,N,P lan luot 1a
trong tAm cua tam giac SAB,SBC,SCA . Thé tich cta khéi da dién ABCMNP .
A. 60 B.ﬁ. c.5—60. D.@.
3 9 = 9
Loi giai
Chon D
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, 2Y 8
Taco V= g Voase = EVSABC
19 19 1 190
=V =—V .,.=——-910=—
WKABC = o Vsapc T 5o 9
Viscame =Viscie = Vs +Visue + Ve yp ) ma V;?.MNJ = VA.M]P = VC.NPK

= VABC.MNP = VABCIJK - 3VB.MNJ
, 1
Co Vg = E.SMNJ.hb ch,=d (B’(]JK))

4 4. 40

SAIJK =§SAABC 25-10 9

"9 79 9
Cau 66. Cho hinh chop S.4BC c6 day ABC la tam giac déu canh a. Biét AB L SB, AC 1L SC, gbc
gitta hai mit phing (SAB) va (SAC) bang 60°. Thé tich khéi chép S.ABC bang

3 3 3 3
A.‘“E. B.‘“ﬁ. C.“\E. D.“ﬁ.
=4 36 6 36

Loi gidi
Chon A
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Tir gia thiét suy ra ASAB = ASAC (1).

Goi H 1a hinh chiéu cia B trén S4. Theo (1) taco CH 1 S4 va BH =CH .
bat BH = x, (0<x<a).

Theo gia thiét ta c6 goc BHC bang hodc bu véi 60°.

BHC khong thé bing 60° vi khi d6 x =a nén BHC =120°. Khi d6

a3

Bsz\/gza:sz.

D& thay Lsase _ 54
VHAABC HA
Taco A= Y0 sp_sc_ V2 gy_aY6  S4 3
3 2 6  HA 2
1 1 . a3\/5 a3\/§
Vit asc =§HA.Ex2.sm120° = % =V, ipe = 4

Ciu 67. Cho khéi tir dién ABCD c6 thé tich V. Goi G,, G,, G, G, la trong tAm ctia bon mit ctia tir
dién ABCD. Thé tich khdi tir dién G,G,G,G, la:

AL B. L. c. . p. .
27 18 108 81
Loi giai
Chon A

HAII\

L

Goi 1,J,K lan luot 1a trung diém cua BC, BD va DC.
Goi & 1a khodng cach tir 4 dén (BCD), h 1a khodng cach tir G, dén (G,G,G;,).
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Vi (GG,G,)//(BCD) nén d(G,.(G,G,G;))=d(G,.(BCD))=G,H,=h", h=AH,.
:ﬁ:K_C;I = = hl :ﬁ_

h KA 3 3
Goi S, S, S, 1an luot 1a dién tich cac tam giac BCD, IJK va GG,G,.
Vi I1,J,K lan luot 1a trung diém cua BC, BD va DC nén:
S':lJK.d(I,JK):l.B—C.ld(D,Bc):l.l.BC.d(D,Bc)zlS (1).
2 2 2 2 4 2 4

) L el A
Tam giac G,G,G; dong dang véi tam giac KIJ véi ti s6 dong dang la: G}—]fz = A—il = %

2
4 L ‘ L
=5 (zj LN S, = ES' (2) (Viti s6 dién tich bang binh phuong ti s6 dong dang).

s \3) 9
‘ . N
Tu (I)Va (2) =5, =3
Thé tich khéi tir dién G,G,G,G, 1a: ¥, =1S1.hl _15h_ 1 len)-2
3 39'3 2713 27

Cau 68. Cho khdi chép S.ABCD c6 déy 14 hinh thang can (A4D|| BC), khoang céch giita 4D va BC
bﬁng a,BC=a, SAL (ABCD),SA =2a. Trén canh BC léy diém M sao cho
MC =x (0<x<a). Thé tich khéi chép S.CDM 16n nhat khi do dai MC bang

A. “\E. B. £ C. a D. “*6.
2 2 = 2
Loi giai

y

1
S.CDM — g SAS ycpu

Tacod: SA=2a.
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Va S,y = %.CM.CD.sinATCTD
= %x.CD.sin MCD.

1 I
= Vs ooy = g.a.x.CD.sm MCD

Vi V oy, chi thay d6i khi x thay ddi, d& thdy thé tich can tim 16n nhat khi x 16n nhat
Sx=a=>M=B=>MC=a.

Ciau 69. Cho tir dién ABCD c6 thé tich1a V. Piém M thay ddi trong tam gidc BCD. Cac duong thing
qua M va song song véi AB, AC, AD lan luot cat cac mat phéng (ACD), (ABD), (ABC)
tai N, P, 0. Gia tri 1on nhat cua khéi MNPQ 1a

14 .

2
A—. 2 p. 2L
- 27 18

TR

Goi N'=BM NCD, P'=CM nBD, Q'=MD N BC.

MN N'M
] Tam giac ABN' ¢6 MN // AB = ——=——.
AB NB
MP P'M
] Tam giac ACP' ¢6 MP// AC = ——=——.
AC PC
. M "M
[l Tam gidc ADQ' ¢6 QM // AD :>—Q:Q—.
AD 0D

Khids MV, MP _MQ _NM PM QM
AB AC 4D NB PC QD
 NM  PM OM _ Sy, Sum , Suse _y oy MV, MP MO _,

a = n
NB PC OD Sup Sen Suco AB  AC 4D

3 3
Lai c6 13:(MN L +MQJ | 3y MY MP MO | (Cauchy)
AB  AC AD AB AC AD

& MN.MP.MQ < L uBacap = MN.MP.MQ 16n nhét khi MN _MP_ MO
27 AB  AC AD
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MV _MP _MO _1 . (npo)i(Bcp),
AB~AC 4D 3

= M latrong tam tam giac BCD =

2
5NPQ :(gj »Ma SN'p’Q’ ZiSBCD nén SNPQ ZéSBCD va d(M’(NPQ)) :%d(A,(BCD))
NPQ'

Vay gid tri 16n nhat cia khéi tr dién MNPQ 1a V)0 = %SNPQ.d (M ,(NPQ))
11 1 Voo 1
& Vinro =§_§SBCD.§d( A,(BCD)) =7 Vi V sco =§SBCD.d(A,(BCD)) =V

Ciu 70. Cho khéi lang try ABC.A'B'C’ c6 thé tich bang 2. Goi M 1 trung diém ciia doan thang A4’
va
N 1a diém nam trén canh BB' sao cho BN =2B'N . Buong thang CM cat duong thing
C'A'tai P, duong thang CN cat duong thang C'B’ tai Q. Thé tich ctia khoi da dién 16i

A'MPB'NQ bing
AZ B.é. C.g. D.E.
9 9 3 9
Loi gidi
Chon A
P
Ta co: Viscame :l(AM' + BN' + CCJ _3 = e :E_
seagce  S3\AA'" BB' CC 18 9
Lai co: Viscanc =1(A]M' + BN,+ CC,j:l: ABC.MNC :Z_
“weaper 3\AA" BB' CC 18 9
2
Suy ra: Ve e =Viscame =Viscne = 3
Ma: Veane — CM‘C_N.CC' (*)
Verper CP CQO CC'
CM  AM cM 1
Tacs: JACMA=APMA' | PM CA'M olcp 2
a Co: .
ACNB ~ AONB' C_N: BN 5 C_N:g
ON B'N cQo 3
Viwer 12 1
Thay vao (*) ta co: —=* =5.§.1 =3 Veroer = Veame =2
c.poc
. 11
Co: Vygcame =Vir =Vipcue 23-
7

= VA'MPB'NQ = VC.PQC' =V ypcame = 5

Ciu 71. Cho khdi lang try ABC.A'B'C'. Goi M, N lan luot Ia trung diém cia doan thang A4’ va BB'.
Tinh ti s6 thé tich cua khéi tor dién CMNC' véi khdi lang try d3 cho.
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1
A —. D. E
3 4
V 1( AM BN ccy 1
Ta c: —#FCHE =~ ( + j == Viscowe =5Vascasc -
“seape  SLAA BB‘ cc') 3 3
Vigeomwe 1AM B'N ccry 1 1
Tuong ty ta co: —4EEMCE — — ( J ==V peme ==V oper ape -
B ABC 3 A A B B C C 3 A'B'C'.MN( A'B'C'.AB
1 Vo 1
= Vowwe =5 Vascaser ﬁ = g
Cho khdi 1ap phuong ABCD.A'B'C'D' canh a. Goi M,N lan luot la trung diém cua doan
thang 4'D' va C'D'. Mit phiang (BMN) chia khéi 1ap phuong thanh hai phan, goi V' 14 thé
tich phan chira dinh B'. Tinh V' ?

3 3 3 3
N g c. 2 e
- 72 24 24 72

Loi giai
Q
D' N /
M/ LA
A" TS ! Ii ~{F
P - ,
\\ U \I\ II B
F; LI 1
SN |
E : -"_».:__-'..- __Jc
l,f '\\ l|
AL :
Ta c6 thé tich can tinh 13 V. v -
Mé VBB'EA'MNC'F = VBAEA'M + VB‘B'A'MNC' + VB‘FC'N N
 |APA'M =AND'M PA'=ND'
Ta co: = .
AQC'N =AMD'N oC'=MD'
Lai c6: MD'=ND'= PA'=ND'=MD'=QC"'=
A'E_PA' 1
APA'E ~ ABAE 2
A: "AE  BA 2 — AE=0C' =%
AQC'F ~ ABCF C'F_oCc' 1
CF BC 2

Facebook Nguyén Vuwrong® https:/www.facebook.com/phong.baovuongTrang 35




NGUYEN BAO VUONG - 0946798489

Cau 73.

Cau 74.

1 1 1 a’
Vaytaco: V, ..., =—BAS,.,,, =—BA—A'M . A'E =—.
ay BEAM =3 EAM T3 B 36
3
~ a
Dethay: V, ..on =V, f), =—.
Y Veron = VBEam 36
i 1 , 1 , 74’
Co: Vy s ZE-BB Spamnc ZEBB (SA'B'C'D'_SMD'N):E'
254°
Vay: Ve siee = ——.
AY: Vg eamne' F 7

Cho khdi lang try ABC.A'B'C" ¢6 thé tich bang 6. Goi diém [ 14 trung diém A4 va diém N
thugc canh BB’ sao cho B'N =2BN .Puong thang C'I cit duong thang CA tai P, duong
thang C'N cit duong thing CB tai Q. Tinh thé tich khéi da dién 16i AIPBNQ

7 11 11 D 7

A. —. B. —. C. —. .-
9 18 9 -3

Chon D

VABC.]NC' zl( Al +BN+CC’J21(1+1+1J=E
312 3

Vperpe 3\AA4 BB CC' 18
11 11
=V ==V =—
ABC.INC 18 3
Sacro _CP CO

3
=25 =3 Sacre =3Ssc

SACAB

Viscape = 6

7
= VAIPBNQ = VC'PQ =V isemve = g .

= VC’CPQ = 3VC'ABC =3.

W | =

Cho khdi lang try ABC.A'B'C’ ¢6 thé tich bang V . Goi diém M 1a trung diém A4’ va diém N
thudc canh BB’ sao cho BN :%BB' Puong thing C'M cit duong thing CA tai D, duong

thang C'N cit duong thang CB tai E. Ti s thé tich khdi da dién 16i AMDBNE va khdi lang
try ABC.A'B'C' 1a

A. 1—3 B. l C. l D. ﬁ
18 18 12 15
Loi giai
Chon B
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o

Goi ¥, 1a thé tich khéi da dién 16i AMDBNE , V, 1a thé tich khdi lang try ABC.A'B'C’

Vancanc l(AM, + BN, + CC,J =l(l+l+lj _1 =V e e =£V
Vigcwwe 3\AA" BB" CC 312 3 18 ’ 18
CACB 12 1
Sapr CD'CE 27373 heoe = acu
ACDF
1
= Veeps = 3VC'4ABC = 3'§VABC.A'B'C’ =V

— V sspsne _ Veeoe =Vipe.omn _ l

Voo v 18
Cho khdi lang try ABC.A'B'C" c6 thé tich béng 1. Piém M 1a thudc canh A'B' sao cho

AM =§A’B'. Mit phang (BCM) cét duong thang AA' tai F, va cat dudng thang A'C' tai

G . Thé tich khdi chop FA'MG bang

A B. L c. > D. .
24 6 36 - 54
Loi giai
F
A G c
A c

Duong thing AA' cat BM tai F = AA'n(BCM ) ={F},
Duodng thang FC cit 4'C'tai G = A'C'n(BCM ) ={G}

A'M//AB:>FA =FM:AM:l; A'G//chF_GZ_FA zl’
FA FB AB 3 FC FA 3
Viewg _1 11 _ 1 1
= ———=—=V_ . =—V,
VFABC 3 3 3 27 FA'MG 27 FABC
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1 1 3 1
Viase ZESAABCdI:F’(ABC):IZESAABC‘EdI:A"(ABC)JZE
: _1 11
Nén Vi = TR

Ciu 76. Cho lang try tam giac ABC.A'B'C’ c6 day 1a tam giac déu canh a, diém A’ cach déu ba diém
2

A, B, C vadién tich tam giac ABA' bing & 3 Thé tich khéi da dién 4'B'C'BC bing

3 3 3 3
A.“‘g. B.“‘B. C.“‘B. D.“ﬁ.
6 24 8 = 12
Loi giai
Chon D
A’ C’
4 c
M
B

Do diém A’ cach déu ba diém A4, B,C nén chan duong cao ha tir A’ 1a trong tdim / cla tam
gidc déu ABC . Goi M 1a trung diém ciia AB = A'M 1 AB.

Co MI:%M:ﬁ
3 6
1 ’ 2
Taco: S,y =—ABAM = AM :M:&_
2 AB 3
Xét tam gidc A'IM 6 A'T=-JAM?>—IM? =§.
1a* 3g_a3x/§ azx/ga_a3\/§

Vay V,

" ABC ZE 4 2 24 va Vg ppe = 4 2 3

Dodod V,pepe = a3 - a'V3 = a3\/§.
8 24 12

Ciu 77. Cho lang try déu ABC.EFH ¢4 t4t ca cac canh bang 1. Goi S la diém déi xing cia A qua
BH. Th8 tich khdi da dién ABC.SFH p3ng

AL B. ﬁ C. ﬁ p. L,
2 3 6 6
Loi giai
Chon B
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Taco VABCSFH = VA.BCHF + VSBCHF .

2 2 3 B

22N

Vi senr :EVABC.EFHZE' 4 6

Vi § ladiém doi xing cia 4 qua BH nén AS | BH tai trung diém N cua AS.

Ma BH c(BCHF) suy ra khoang cach tr 4 dén (BCHF) bang khoang cach tir S dén
(BCHF)

3

= VA.BCHF = VS.BCHF = ?

; BB B
Vay Visesrn = Viscnr +Vs.scnr =?+? :T'
Cho khéi ling tru ABC.AB,C, co thé tich bang 30. Goi O la tdm ciia hinh binh hanh

ABB A, M va G la trong tim tam giac 4,B,C,. Tinh thé tich khdi tir dién COGB,.

7 16 5 10
AL B. k=—. c.2. D. —.
3 81 2 3
Loi gisi
A C
N i/
B ,’/ti
8 4
s
4 !
/{/ ’f
- ’
" 4
!
o
I\ /
\ /
\ s
\\ o
_____ - - _- N )
A]_ -_Ql’,___,_ —E 1
.
M bngy
By

Goi M,N lan luot 1a trung diém cua AB va A B,

, 1
Taco Vyey pou = EVABCAIBICl =15
2
VBPCNMCI = E VBCN.BICIM =10
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Mat khac ta lai co: VBIACGO = %SACGO.d(Bl,(CGO)).
. 1 1 1 1
Ma S,c50 = SCNMC1 —Sacnvo ~ SACGC1 — Saomc = Senmc _Z CNMC, _E CNMC, _5 oNMe, T ESCNMCI
1 11 1 10
= VBPCGO = ESACGO'd(BI’(CGO)) = EESCNMC]d(Bl’(CGO)) = EVB].CNMCI = ?

Ciu 79. Cho khéi chop S.ABCD c6 thé tich bang V. Goi M, N, P, O lan luot 1a trong tim cac mit
bén (SAB), (SBC), (SCD), (SDA). Goi k 1a ti s6 thé tich cta khoi chép S.MNPQ va phan
con lai la. Khi do6:

A k=0y B. 2. c k=2 D k="
81 4 =723 23
Loigiai
Chon C

Goi trung diém céc doan théng AB,BC,CD,DA lanluot1a 1,J,K, L.
Taco: MN//AC; QP//AC; MQ//BD ; NP//BD

Vay MNPQ la hinh binh hanh.

s 1 1 1 1

AL = ZSABD 5 Sy :ZSBAC; Scix :ZSCBD 5 Spke ZZSDCA

1 1 1

A +SCJK = ZSABD +ZSCBD :ZSABCD
=
S

Bl + SDKL

gyl o]
4

pac T Z SDCA = Z SABCD

Do do: S, =%S

ABCD *

Mit khac ¥

MNPQ —

2V,

SMNP

3 2
1 1 1 1. 1/(1 1(1 1
Vouk = Eh‘SIJK = gh(ESUKL] = gh'E(ESABCD) = Z(gh'SABCD] = Z‘VSABCD = ZV
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8 1 4
Suy ra VSMNPQ = 2521/ :EV
Khi dé, thé tich phan con lai: V' =V =V, =y——p =23
’ p e S.MNPQ 27 27
N V.
Viy, ti s0 can tim kzwzi_
V' 23
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