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3 NGUYEN HAM, TICH PHAN VA
- ONG DYNG

Bir 1. TINH NGUYEN HAM - SU DUNG DINH NGHIA,
BANG CONG THUC

A-KIEN THU'C CAN NHO
D Nguyén Ham

Cho ham s f(x) xdc dinh trén K. Ham s6 F(x) dugc goi 1a nguyén ham ctia ham s6 f(x) trén K néu:
F'(x) = f(x),Vx € K.

@ Khi d6 F(x) + C dugc goi 1a ho nguyén ham cta f(x).

& Ki hiéu: / FOdx = F(x)+C = F'(x) = f(x).

™ Luuy: / f(x)dx dugc goi 1a nguyén ham ctia f(x) theo bién x.

@ Cong thiic bién ddi vi phan: d[u(x)] = ' (x) dx.
B} Tinh chét clia nguyén ham

& Tinh chit 1: / F0) dx)/ — f(x)va / F)de= f(x)+C.

™ Tinh chit 2: /kf(x)dx:k/f(x)dxvéiklé hing s6 khac 0.

Noi Pau Cé Y Chi & P6 C6 Con Dudng

@ Tinh chit 3: /[f(x)ig(x)]dx:/f(x)dxi/g(x)dx.

E®) Bang Nguyén Ham

Ham s6 so cap Ham s6 hop
dx=x+C du=u+C
O T pras|
/xo‘dx:a+1+C(a7é—1) /u“dx=a+1+C(a7é—l)
/%dx:ln]xH—C /iduzln]uH-C
/exdxzex+C /e”duze”+C

o

B Th.S Nguyén Hoang Viet — @ 0905.193.688 m




1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC

Két ndi tri thirc véi cude séng

y J/ J J

X ax
= — 1
/adx lna—i—C(0<a;«r£ )

/ﬂ@za
Ina

+C(0<a#1)

/cosxdx =sinx+C

/cosudu =sinu+C

/ sinxdx = —cosx+C

/sinudu =—cosu+C

dx =tanx+C

/ 1
cosZx

|
/ 5 du =tanu+C
COS“ U

I
/ ——dx=—cotx+C
sin” x

—cotu+C

I
du
/ sin®u

Ham s6 mé rong

/ - - = arctan +C /arcsin)—cdx:xarcsin)—c—l—\/az—xz—i-C
+x a a a
— / s = a+x +C /arccosfdx:xarccosf—\/az—xz—i—C
«@- a —x a—x a a
S / 2+ (x+ 2 +a?)+C /arctan;—cdx:xarctang—gln (a2+x2) +C
a
O
Ig /m arcsm| | +C /arccot;—cdxzxarccotg—i-gln <a2+x2) +C
dx I

o /—:—arccos‘—’-l-c
- - xVxt—a? a a

1 Vx2+a? dx 1 b
S| v tal a x sin(ax+b) a
-} b o e“(acosbx+ bsinbx)
o)) /ln (ax+b)dx ln(ax+b) x+C /e cosbxdx = 5>
= a-+b

- a? “(asinbx —bcosb

.. / a?—x*dx=—-—— x\/a +—arcsmx+C /e“xsinbxdx: ¢“(asinbx —bcosbx) +C
7 2 2 a a’+b?
L
[
6 B-CAC DANG TOAN THUONG GAP

2 Dang 1. Ap dung bdng céng thirc nguyén ham

Biéu dién liiy thita dang chinh tic:
1 1
1) /x=xn 2) Vx"=xn 3) i = 7"
1 ! 1 =z
4) \r/} =x n 5) o =x n
Cong thiic lugng giac co ban:
1 —cos2 1
1) sin’x = ST eosA 2) tan?x = —1. 3) sinx+cos?x=1.
2 s2x
1 2 1
4) cos’x = m. 5) cot?x = —— — 1. 6) cos2x = cosZx — sin’ x.
2 sin” x

e
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

3/133 ‘

¢ Vidu 1. Tinh nguyén ham / x*dx.

(A)32+C. (B) 2x+C. ©B+cC. @ ic+c

3
@ Loi gidi.
$> Vidu 2. Ho cic nguyén ham ctia ham s f(x) = 5x* —6x? + 1 1a
(A)20x3 — 12x+C. B) X -2 +x+C.
4
(C)20x5 — 123 + x +C. @%+2x2—2x+C.
® Loi gidi.
3 . A N 2 2 2
<> Vidu 3. T1nhnguyenham1=/ x* 4= —3y/x ) dx véix > 0.
x
3 3
@1:%—2ln|x|+2\/ﬁ+c. 1:%+21n|x|+2\/§+c.
3 3
@1:%—2lnx—2\/a?+c. @1:%+21n|x|—2\/3?+c.

® Loi gidi.

$> Vidu 4. Cho F(x) la mdt nguyén ham ctia ham f(x). Tinh I = / [3f(x) +2x]dx

(A)T=3F(x)+2+C. (B)I=3F(x)+x2+C.
(©)1=3F(x)+2x+C. (D)1 =3F(x)+x+C.

® Loi gidi.

> Vidu 5. Cho / FOdx=2+C va / g()dv = = +C5. Tim nguyén ham cia ham s6 A(x) =
f(x) —g(x).
x? 2x2
@/h(x)dx:?—I—C. /h(x)dx:T—i—C.

2

X x2
@/h(x)dx=—§+c. @/h(x)dx:—%—i-c.

y J/ J J

Noi Pau Cé Y Chi & P6 C6 Con Dudng

o

B Th.S Nguyén Hoang Viet — @ 0905.193.688 ﬂ



1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC K&t ndi tri thic vai cude séng

yV J J J
D Loi gidi.
$> Vidu 6. Ho nguyén ham ctia ham s6 f(x) = 3x* + —— Ia
cos? x
®x3+cotx+C. (B) * + tanx +C. ©6x—cotx+C. @6x+tanx+C.
D Loi gidi.

:"q:)- A Phuong phap vi phan:

> St dung cong thiic vi phdn d|[f(x)] = f'(x) dx dé hiéu néu cong thiic / dx = x+ C thi sé co cong thiic

O

e fare=rew-c
'8 Mot s6 bién doi vi phdn can nhd:

:E 1) (cosx)dx = d(sinx) 2) (sinx)dx = d(—cosx)
«q>,~ 3 ! dx=d(t 4 ! dx=d t

= ) o = (tanx) ) G = (—cotx)

O o

< 5) efdx=d () 6) axdxzd(—>

‘e Ina

£

1 1

= 7) = dx = d(Inx) 8) —dx=d(2%)

> X \/)_C

O 9) ! dx =d[In(x+1)] 10)(1 + tan’x) dx = ! dx = d(tanx)

x+1 * M o2 T *
1
11)(1 4 cot?x) dx = —5— dx = d(—cotx)
sin“x

bing

|
> Vidu 7. Neuyén hi 1:/
I guyén ham T

@—%ln|2x+1|+C. (B) —In|2x+1|+C. @%ln|2x+1|+C. @ln|2x+1|—|—C.

 Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG

Két néi tri thirc vai cude séng

y J/ J J
$> Vidu 8. Biét F(x) 1a mot nguyén ham cla f(x) = - va F(2) = 1. Tinh F(3).
1
(A)F(3)=m2—1. (B F@)=In2+1. @F =5 @F(3):;1
® Loi gidi.
O
. S 2019 15 c
¢S Vidu 9. Ho nguyén ham ciaham soy = (2x+1)7 " la 0
(2X+ 1)2018 (2x_|_ 1)2020 (2x+ 1)2020 (2.X-|— 1)2018 b
@ 2018 e 4040 +C @ 2020 +c @ 4036 +C. ()
® Loi gidi. 5
.................................................................................................. O
.................................................................................................. ‘Q
O
.................................................................................................. e
) : . 3 £
<> Vidu 10. T“lm nguyén ham F(x) ciia ham s6 f(x) = v4x—2 O
2
(A) F(x) 4x 2)Vax—2+C. B) F(x) = S -2V =2+C. =
(©F(x) e =)V —2+C. @ F(x) = ~(4x—2)"} +C. O
3 >
® Loi gidi ‘O
O
.................................................................................................. =
.................................................................................................. O
.................................................................................................. o
o)
$> Vidu 11. Nguyén ham ctia ham s f(x) = sin3x 1a b4
@%cosBx—l—C. cosBx—l—C. @—%cos?)x—kc. @—cos3x—|—C
® Loi gidi.
$> Vidu 12. Ho nguyén ham ctia ham s6 f(x) = e* +x? 1a
o2t 3
(A F(x) =e*+13+C. (B) F(x) :—+ 7 +C.
3
(C)F(x) = 2e> +2x +C. (D) F(x) =e2x+%+c.
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1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC K&t ndi tri thic vai cude séng

y 4/ J J

® Loi gidi.

$> Vidu 13. Tim nguyén ham ctia ham s6 f(x) = 32+,

2x+1 2x+1
(A) (2x+1)3% +C. 31n3 +C. (©) 3%+ m3+C. @31n9 +C.

- > Vidu 14. Biét / F(x)dx = —x? +2x+C. Tinh / F(=x)dx.
S (A)x2+2x+C. B —2+2x+C. @—x2—2x+C’. (D)2 —2x+C'.
(0) -
c ® Loi giai.
0
B T
o PP
o
«@®
> ..................................................................................................
>
g $> Vidu 15. Cho ham s y = f(x) c6 dao ham f'(x) = 3x*> —e* +1 —m. Biét f(0) =2, f(2) =1 —¢?
| Gid tri cia m thudc khoang nao dudi day?
2 W) (5;+9). © (—24). @ 35).
[
> ® LJi gidi.
U]

$> Vidu 16. Chohamsb f (x) théaman f” (x) = 12x2+6x—4va £ (0) =1, £ (1) =3. Tinh f (—1).

(A f(~1)=-5. ® f(~1)=3. ©) f(-1) =-3. D f(=1)=—1.

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J/ J J

$> Vidu 17. Mat béc thg xdy bom nudc vao bé chita nudc. Goi A(t) 1a thé tich nuéc bom dudc sau ¢
gidy. Cho /() = 6at? + 2bt va ban dau bé khong c6 nudc. Sau 3 gidy thi thé tich nuée trong bé 1a 90 m?,
sau 6 gidy thi thé tich nu6c trong bé 1a 504 m>. Tinh thé tich nudc trong bé sau khi bom dudgc 9 gidy.

(A) 1458 m?. 1488 m>. (C) 1450 m?. (D) 1468 m°.

O

c

o)

>

n)]

C

@)

O

‘O

O

‘O

n)]

O

\E

& Dang 2. Tdch ham dang tich thanh tdng O

>

‘O

$> Vidu 18. Ho nguyén ham ctia ham s6 f(x) = 2x(1 +3x) Ia (@)

3

®2x(x—|— x)—i—C B) x <1+?)—|—C @x (l—i-;x)—l—c @x2(x+§x3)+c. <g

n)]

® Lai gidi. S

-------------------------------------------------------------------------------------------------- Z

$> Vidu 19. Ho nguyén ham ctia ham s f(x) = (x+1)(x+2) 1a
(A)F(x ———i-;x +2x+C. (B) F(x) =2x+3+C.
(©F(x :—+§x +2x+C. D) F(x :——§x2+2x+C
® Loi gidi.
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1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC K&t ndi tri thic vai cude séng

y 4/ J J

$> Vidu 20. Tim nguyén ham ctia ham s f(x) = e*(1 +e™%).

@/f(x)dx:ex+1+c, /f(x)dx:ex-l-x-l-C.
@/f(X)dX=—e"+x+C. @/f(x)dxze"+c.

® Loi gidi.

$> Vidu 21. Mot nguyén ham ctia ham sd y = cos5x - cosx 1a

Ll ! 1 (sinéx sind
@F(x)=§<—8in6x+—sin4x). F(x) :__(sm x+sm x).

6 4 2 6 4
1/1 1 1. .
@F(x) =3 (6 cos6x + Zcos4x). @ F(x)= 3 sin5Sxsinx.

«@-

— ® Loi giai

>

) e
c

IU ..................................................................................................
O e
- -

= " " - %) . 25 . 2 2
w@ | <> Vidu 22. Biet /(2s1nx+cosx) dx = asin2x —cos2x+bx+C, v6i a,b € Q. Tinh a” + b~.

S @ B 199 17 109

O 2" 4" 16° 16

Z N~ = =2

o ® Loi giai.

L

o e e
6 ..................................................................................................
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J

& Dang 3. Tdch ham dang phén thitc thanh téng

A Phuong phdp gidi: (deg la bdc ctia da thiic).
®@ Néu degP(x) > degQ(x) PP, Chia da thitc.

®@ Néu degP(x) > degQ(x) P2, Xem xét mdu s6 va khi do: Véi P(x) va Q(x) la cdc da thiic khong
chiia can.

@ Néu mau s6 dudc phan tich thanh tich s, ta sé sit dung dong nhét thiic d& dua vé dang tong clia cac
phan sb.
Mot s6 trudng hop dong nhét thifc thudng gip:

1 o ( a b)
(ax+m)-(bx+n) an—bm \ax+m bx+n/’

) mx+n A n B (A+B)x— (Ab+Ba) A+B=m
(x—a)(x—b) x—a x—b  (x—a)(x—Db) Ab+Ba = —
1 A B C D
© +

G0 -0 P B G0

@ Néu mau sb khong phan tich dugc thanh tich s6 (bién ddi va dua vé dang ludng gidc)

dx 1 fd(ax+Db) In|ax+b|
[
ax+b a ax+b a

A (ax+b) ax|+b

A: =
@ Néu a.x+b o A + B . X—X2 X=X X1 —X2
(x—x1)(x—x2)  (x—x1) (x—x2) B <ax—|—b) _axy+b’
X—X1 X=X X2 — X1

A
® InA+InB=1In(AB);InA—InB=1n =

¢ Vidu 23. Tim nguyén ham:

o /x-I-de
x+1
x+5

b.

/Zx—l

3x2 —2x+1
/= dx.
¢ / 3x—2

® Loi gidi.
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1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC

Két néi tri thirc véi cude séng

y 4/ J J

$> Vidu 24. Tim nguyén ham:

/ dx
a.

x2—2x—3"
b. /

. |

dx.
x2—1

x2+x
X2+4x+4

 Loi gidi.

1 +2x2

$> Vidu 25. Biét F(x) 1a mot nguyén ham ctia ham s6 f(x) =

dinh nao sau day dung?
(A)F(x) =In|x| +x+2. (B) F(x) =In|x|+x2—2.
(©F(x) =In|x|+2x2+1. (D) F(x) = In|x| + x> +2.

théa man F(—1) = 3. Khang

® Loi gidi.

’ A 13
¢S Vidu 26. Tim ho nguyén ham F'(x) cia ham s6 f(x) = (x+3 ) ,(x #£0).
x
3 1 3 1
@F(x):x—3ln|x|—)3—c+2—)1€2+C. F(x):x—31n|x|+§—|—?+a

e
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y J/ J J
® Loi gidi.
. A s a2 _ 1 X
$> Vidu 27. Ho nlguyen harln cua ham so f(x) = T ——] la 1 )
X — x+
@/f(x)dx—iln‘zx_l +C. /f(x)dx_gln x_1‘+c.
x—1 x—1
@/f(x)dx—ln x—0,5‘+C' @/f(x)dx—ln 2x—1'+c'
® Loi gidi.
.................................................................................................. o)
.................................................................................................. c
.................................................................................................. qe
>
2 . 2x—5 o
$> Vidu 28. Cho ham s6 f(x) xdc dinh trén R\ {1;4} ¢6 f(x) = PR théaman f(3) = 1—1In2. S
X°— X
Gid tri f(2) biing O
(A)1—1n2. B 2. (©)1+3n2. (D) —1+3In2. O
Uy O
® Loi giai. \O
.................................................................................................. &
.................................................................................................. O
\ ==
.................................................................................................. c
.................................................................................................. @)
.................................................................................................. >
.................................................................................................. ‘O
.................................................................................................. O
-
.................................................................................................. ‘c
, o
) 1 o
¢S Vidu 29. Cho F(x) 1a mot nguyén ham cia f(x) = _ ol trén khoang (0;+c0) théa man | )
X x4+ 203 + 52 >
F(1) = 5. Gid tr clia biéu thic S = F(1) +F(2) + F(3) + -+ F(2019) la
2019 2019.2021 1 2019
2020° 2020 ©20182020' © ©2020°
® Loi giai
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1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC K&t ndi tri thic vai cude séng

y 4/ J J

; [ 242 1 . o
<> Vidu 30. Blét/ A 5 dx = +pIn|2x+ 1|4+ C v6im,n, p 1a cac s6 hitu ti. Tong m+n+ p
(2x+1) mx+n
bing
11 11 13 13
3 ® 5 2 "2
® Loi giai
SRR
O
DT P EU U PR RUSPPRSURPPRS
O
= . 7
'8 4> Vidy 31. Biét F(x) 1a mot nguyén ham cla f(x) = ——5— va F (g) — 2= C6 bao nhiéu s5
sSin~x
| thue x € (0;20187) d& F(x) = 1.
«GC, (A)2018. 1009. (©)2017. (D) 2016.
:>; ® Loi gidi
oi gidi.
O
AR ERUETEPRRR
"’5 ..................................................................................................
I
[
6 ..................................................................................................

’ A N A A~ ~ 2 1 N b
<> Vidu 32. Biét F(x) lamét nguyén ham ctia f(x) = —5————vaF <E) = 1. Phuong trinh F (x) —
' . sin”x - cos?x 4
1 = 0 ¢6 bao nhiéu nghiém thudc (0;2020)?

(A)2086. 643. (©)2019. (D) 2020.

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

O b6 C6 Con Puong

?

i

uCdéYCh

ba

No
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1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC

C-BAI TAP TU LUYEN
Cdu 1. Ménh dé nao sau day 12 sai?

@Neu/f )dx = F(x +Cth1/f W) +C.
./kfx dx:k/fx dx (k 12 hiing sb va k 2 0).
(C)Néu F(x) va G( ) déu 1a nguyén ham cda ham sb f(x) thi F(x) = G(x).

D [(hw+sw d= [fide+ [ A

Cau 2. Ho nguyén ham ctia ham s f(x) =x* +x+11a

Két ndi tri thirc véi cude séng

y J/ J J

x4 .x2 X
@Z+7+C. Z

2

Cau 3. Tim ho nguyén ham ctia ham s6 y = x> — 3% + o

3 X

X 3

3
X 1
(:) N P T
3 + x2
CdAu 4. Nguyén ham ctia ham s6 y =2 1a

@/Zde=2X+C.

+C,CeR.

Ths: Nguyén Hoqng Viét

G

2
x
+ = +x+C.

2
@x4+%+C.

/2de——+c
Cadu 5. Tim ho nguyén ham F(x) :/;
X (2x+1)3
@F(x)=—w+c.
@F m+c

© fl) ——x —cosx. (D) f(x)

@ 3x*+C.

1

o3
2 i+ C,CeR

33 In3

X 3

2 4(CCeR
@3 In3 pT6C€

/2de=1n2-2uc.
2x

X —
@/2 dx_x+l

1
F(X):—m—f—C.
1
DIFW =gy 6

Cau 6. Ham sb F(x) = x> + sinx 1a mdt nguyén ham ctia ham s

> @f(x) = %x3 +cosx. f(x) =2x+cosx.

= 2X — COSX.

Cdu 7. Cho ham s6 f(x) c6 dao ham f’(x) lién tuc va c6 mdt nguyén ham la ham s F(x). Tim nguyén

ham I = / [2/(x) + f'(x) +1] dx.
(A)T=2F(x)+ f(x) +x+C.

I=2F(x)+xf(x)+C

(C)1 = 2xF (x) + f(x) +x+ 1. (D) I =2xF(x)+ f(x) +x+C.
Cdu 8. Cho F(x) 1a mdt nguyén ham ctia ham s6 f(x) = (x+ 1) Inx. Tinh F”(x).
1 1
@F"<>=1+— B Fx)=-
@F” —1+ +1Inx. (D) F"(x) =x+Inx.
Cdu 9. Mot nguyén ham ctia ham s6 f(x) = x(3x+2) la
@x3—|—x2+1. 3% +2x% 4 1. ©x3+2x2+1. @x3—x2+1
2
N 2x — N
caut10. [FT2T3 4 bing

3 2 x2
—3
(A) x—+x3 afivel
X

©3(x3+x2—3x) L

3x+21In x| _%JFC'

3
@ 3x+2In|x|+—-+C.
x

3
14/133 ‘
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG

Két ndi tri thire véi cude séng

y J/ J J

Cdu 'Icls 2’{)“1{%;10 nguyén ham cta ham s6 f(x) = sin2018x. 02018

4 B o C

©_W (D) 2018 - c0s2018x+C.
Cdau 12. Biét F(x) la mot nguyén ham cda f(x) = xi 1 va F(2) = 1. Tinh F(3).

WEG=m2-1.  BFE)=m2tl  ©FE)=y. ©FE) =1,
Cau 13. Cho ham s6 f(x) = sinlzx. Néu F(x) 1a mot nguyén ham cta ham s6 f(x) va do thi ham s6 F(x)
di qua diém M (g; 0) thi F(x) 1a

@ —? + cotux. —\/§—|— cotx. @ \/§ —cotx. @ ? — cotx.

Cdu 14. Cho / f(x)dx = 3x* — 4x+C. Tim / f(e¥)dx
@A) / f(ex)dx:%ezx—4ex+C. / F(e¥)dx = 3e"2x — de* +C.
@/f(e")dx:6ex+4x+c. @/f(ex)dx:6ex—4x+C.

n 1\2. .
Cdu 15. /(3’5—?) dx bang
o 1 1(3x 1 )3
— ) ] = __—
®21n3 3 ovm3 ¢ ® 33~ 3m3) *€
9 In9 (3x 1n3)2
@E—Zx—f—yﬁ-C. @ E—? +C.

Cau 16. Gia tri m d& ham s F(x) = mx® + (3m +2)x? — 4x + 3 12 mot nguyén ham ctia ham s6 f(x) =

3x% 4+ 10x — 4.
(A)m=0. B)m=2. Cm=1. (D) m=3.

Cau 17. Goi F(x) = (ax* + bx+c)e* 1a mot nguyén ham ctia ham sé f(x) = (x— 1)%e*. Tinh S = a +2b +

C.@S:& B) s=-2. ©)s=o. D)S=4.

Céu 18. Cho ham sb £(x) théa man f'(x) =ax2+)%,f(—l) — 2, f(1) =3, f(1) = 0. Tinh a -+ 2b.
A —% 0. ©)s. D) %

CdAu 19. Biét F(x) 1a nguyén ham ctia ham sb f(x) =

1
+m—1théaman F(0) =0va F(3) ="7.
\ 2rr1 o )
Khi dé, gia tri cia tham s6 m bang

B 2. ®3. ©-3. OF
A 1 . A ~, 2 . 2 N
Cau 20. Cho/ 5 1dx:aln\x—1]+bln]x+l\—|—C,V61a,blécécséhu’utl. Khi d6 a — b bang
x J—

A 1. ®)o. (©2. D) —1.

~ 4 2 _13 X < A s,
Cau 21. Choblét/x—dx:aln]x-l—l\—I—bln\x—2]—|—C. Ménh dé nao sau day ding?
(x+1)(x—2)
(A)a+2b=8. B)a+b=3. (C)2a—b=3. D)a—b=3.

Cdu 22. Biét /(sin2x —cos 2x)2dx =x+ gcos4x—|— C, véi a, b 1a cic sb nguyén duong, g 12 phan s6 tbi

gian va C € R. Gia tri cia a + b bang

(A)s. ®) 4. (©2. D) 3.
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1. TINH NGUYEN HAM - SU DUNG BINH NGHIA, BANG CONG THUC K&t ndi tri thic vai cude séng

Cau 23. Biét F(x) la mdt nguyén ham ctia ham f(x) = (x> — 6x+9)'% théa F(3) = 0. Tap nghiém ctia
phuong trinh F(x) = 1 ¢6 bao nhiéu phan ti?

(A) 100. 1. ©o. D2

Cau 24. Biét F(x) 1a mot nguyén ham ctia ham f(x) = tan®x théa F(0) = 1. Phuong trinh F(x) +x=0c6
bao nhiéu nghiém trén (0;20207)?

(A)2021. 2020. (©)2019. (D) 1010.

X , , , b ,
Cau 25. Bibt luon c6 hai sb a va b dé F(x) = “xj - (4a—b 7 0) 1a nguyén ham cita ham s5 f(x) théa
X

man 2f%(x) = (F(x) — 1) f/(x). Khiang dinh nao dudi day ding va diy dt nhat?
(Aa=1,b=4. Bla=1,b=—1. (©a=1,peR\{4}. ([DacRbeR.

HET

Viet

~

Gv Ths: Nguyén Hoang

)

y J/ J J

e
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y /7 /7 7
Bir2. TINH NGUYEN HAM - SU DUNG PHUONG

PHAP POI BIEN SO

A GHINHO
& Nhdn dang: /f(u) u'dx (1) (c6 xudt hién u(x) va dao ham ciia nd).
™ Cdc budc thuc hién:

@ Ddtt = u(x)
@ Viphdn dt =o' (x)dx

® Thay vao (1), déi thanh /f(t) -dt  (2). Ap dung cong thiic, tinh (2).

@ Thay t = u(x) vao két qud vita tinh, ta tim dugc két qud.

A-CAC DANG TOAN THUONG GAP

Ta luyén tap cac vi du sau:

& Dang 1. Pdi bién dang ham lily thira

D6 C6 Con Puong

$> Vidu 1. Tinh / (2x — 3)1%yx, ta dugc két qua Ia o)

@i(zx—3)“+c %(Zx—?))“—{—C. @i(zx—3)“+c. @i(zx_3)“+c c

> Vidy 2. Tinh / x(x% +7)!5dx, ta dugc két qua Ia
@%(x2+7)16+c. ® = (@ +7)%+C.

@—;—2(x2+7)16+C. @1—16(x2+7)16+C
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2. TINH NGUYEN HAM — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

y J/ J J

> 10 P
4 Vidu 3. Cho]:/x2(1—x3) dx. Pt u = 1 —x3, khi d6 viét I theo u va du ta dudc
1 1
@Iz —g/ulodu. O —3/u10du. ©I=/3u10du. @I: §/u10du.

 Loi gidi.

$> Vidu 4. Tim nguyén ham ctia ham s f(x) = x(x 4 1)2016,
+1)2018 (x+1)2017
201 1)2018 _ 901 1)2017 4 . (x _ .
(A)2018(x+1) 017(x+1)27 4-C ( 201)§018 ( 201)3017+C
+1 x+1
- 201 1 2018 201 1 2017 . o .
) (©)2018(x+ 1)1 4 2017(x + 1)V +C © 5e— 3555 +€
>
Loi gidi.

o)) ® Loig
c
AO Tt
O
RS
C
Q) et
DN e e
-
m ..................................................................................................
D e
7
L
- a
6 $> Vidu 5. Cho ham sb f(x) = 2x- (x* +2x2 4+ 1)3. Biét/f(x)dx: l—?(xz-l—c)d—i-C, véi a,b,c,d € 7

va % 12 phan s tdi gian. Tinh a +b +c +d.
(A)o. 15. (©)16. D) 22.

 Loi gidi.

& Viduy 6. ChoI:/2x3(x2—|—1)4dx. Diit u = x2 + 1, khi d6 viét I theo u va du ta dutde
@I:/(t5+t4)dt. I:/(t4—t)dt. @Iz/(ts—t4)dt. @I:/(tS—t)dt.

 Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

& Dang 2. Ddi bién dang ham phan thirc

Id 2z _1
¢S Vidu 7. Tim nguyén ham cta ham so6 f(x) = e
x2—2x-3
®ln|x2—2x—3|+C. (x—1)In|x?> —2x—3|+C. o
1 1 1
—In|x* —2x—3|+C. C. -
©2n|x x—3|+ @x+l+x—3+ b
o >
® Loi giai. n)
.................................................................................................. -
O
.................................................................................................. O
.................................................................................................. \o
.................................................................................................. O
.................................................................................................. O
.................................................................................................. £
.................................................................................................. O
\ ==
.................................................................................................. -
.................................................................................................. O
>
1’ A . A ~ x 2, N \o
$> Vidu 8. Doi blent:x—lthl/—dxtrd thanh
(x—1)4 O
t—1 (t+1)* t+1 t+1 >
® Loi gidi. o)
.................................................................................................. =
. P Z xs
¢S Vidu 9. Biét nguyén ham ctia ham so f(x) = 1 c6 dang F(x) = mx* +nx® + pIn(x* + 1) +C,
X
trong d6 C 1a hang s6 thuc; m, n, p 1a cac hé s6 hitu ty. Hay tinh T = m+n+ p.
1
@T:§ B T=3. @T:Z. DT =4
® Loi gidi.

y 4/ J J
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2. TINH NGUYEN HAM — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

y 4/ J J

. o 2x+3)dx 1 <y AV et o2 .
<> Vidu 10. Gia st / (2x+3) = — + C (C la hang so0). Tinh tong cua cac

x(x+1)(x+2)(x+3)+1 g(x)
nghiém ctia phuong trinh g(x) = 0.

e
«@-

>

O

c

O

O

I

c
()

>

- |

O

P

a i d P'e

;E & Dang 3. Doi bien dang ham voé ti

>

U]

2
$> Vidu 11. Ho nguyén ham clia ham sb f(x) = T 1a
X
1 2 2 1
——+C. V3 +14C. —+C. VB3 +14+C.
B 3V Chvers ©3vs
® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

$> Vidu 12. Xét nguyén ham I =
A= / (t4 —2t2) dr.
©1= / (2r* —44%) dr.

/ xv/x T 2dx. Néu diit t = /X2 thi ta duge

1= / (4r* —2¢%) dr.
D)1= / <2t4—t2) dr.

o Li gidi.

$> Vidu 13. Bi&/(ﬁ) dx = % (a\3/(2x—1)2+b\3/2x—1—|—c1n(1+\3/2x—1)) +C, véi o
a,b,c€ Q. Tinha+b+c. g
1 ’
A)2. 5 ©o. D) 4. 5
n)
® Loi gidi. c
O
.................................................................................................. O
.................................................................................................. o)
.................................................................................................. (@)
.................................................................................................. ‘O
.................................................................................................. o
.................................................................................................. O
\ -
.................................................................................................. c
.................................................................................................. O
.................................................................................................. >
.................................................................................................. ‘0
.................................................................................................. U
=
.................................................................................................. ‘c
.................................................................................................. n)
1 2
<> Vidu 14. T1nhnguyenhamlz/2x+x\/)_c+\/)_Cdx.
2 2
@1=—ﬁ+x+c. 1=—ﬁ+1+c.
2 1
@1:—m+a @I:_Z\/)_c—l—x—i_
® Loi giai

o
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2. TINH NGUYEN HAM — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

y J/ J J

& Dang 4. Ddi bién dang ham Iuong gidc

) JIFT
<> Vidu 15. Dits = /T tanx thi / —C;;zanx
X

@/tht. /tzdt. @/dl. @/2t2dt.

 Loi gidi.

dx tré thanh nguyén ham nao?

L
«@-

> ) )

(o)) ¢S Vidu 16. Tim nguyén ham I = /sin xcosxdx.

C ‘05 5 5 5

g B +c ® =<"+c. ©-Z+c @-==+c

I ~ m -2

cC ® Loi giai.
()

> ..................................................................................................
e
O

Z ..................................................................................................
g > Vidu 17. Tim cic ham sb f(x) bibt f/(x) = — >

— u 17. cac ham so f(x) biet f'(x = 2t sina?

> _ sinx B 1

0] @ s = (24 sinx)? +C. fx) = 2+ cosx +C

1 sinx
©f(x)__2+sinx+c' @f(x)_2+sinx+c
o Loi gidi.

$> Vidu 18. Cho F(x) 1a mdt nguyén ham ctia ham s6 f(x) = cos’x. Biét F(0) = 0. Khi d6 F (g) =
av'2

5 vOi ;—j 12 phan s6 tbi gian. Tinh a + b.

A 17. B 2. ©)1e. (D) 3.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

® Loi gidi.

.................................................................................................. (@))
c

1 0

<> Vidu 1]9. Tim nguyén ham / p— dx. 1 1 8
@ 3cos3x+C' (B) tanx+ tan’ x + C. @tanx+§tan3x+C. @gcos3x+C. S
. O

® Loi giai. 0
.................................................................................................. O
‘O

n]

.................................................................................................. O
.................................................................................................. =
.................................................................................................. L
.................................................................................................. O
>

.................................................................................................. o
.................................................................................................. U
-------------------------------------------------------------------------------------------------- :
«O

. ! N A s o 1s g 2cosx—1 . (n]

<> Vidu 20. Cho ham s6 F(x) 1a mot nguyén ham ctia ham s0 f(x) = ———— trén khodng (0;7). | ..

sin“x
Biét rang gid tri 16n nhét cta F(x) trén khoang (0;7) 1a v/3. Chon ménh dé ding trong cic ménh dé 2

C@r(E)eios ®r(Z)=0 ©r(-vi ©r(Z)-3-vs

2

o Li gidi.
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2. TINH NGUYEN HAM — SU DUNG PHUONG PHAP BOI BIEN $O

Két néi tri thirc véi cude séng

y 4/ J J

& Dang 5. Di bién dang ham ma, ham 16-ga-rit

mot nguyén ham clia ham sb f(x)?

@F :—le +C.

)

$> Vidu 21. Cho F(x) 1a mdt nguyén ham ctia ham sb f(x)

2 N A s ~ A YT
= xe* . Ham s0 nao sau day khong phai 1a

©F(x) =5(e" +2). D FE) =5 +3)
® Loi giai
er
$> Vidu 22. Nguyén ham ctia ham sb y = f(x) = e la
(A)I=x—Inx|+C. B)I=e+1—In(e"+1)+C.
(©I=x+Inlx|+C. (D) I=e"+In(eF+1)+C.
 Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

1
> Vidu 23. Ti én ha /—dx
! im nguyén ham Y rrani

(A) %«/(lnx—l—l)3+C. Vinx+1+C. @%\/(lnx—l—l)zwLC. (D) 2vInx+1+C.

® Loi gidi.

$> Vidu 24. Cho F(x) la nguyén ham ctia ham s6 f(x) = " va F(0) = —In2e. Tap nghiém S cua
phuong trinh F(x) +1In(e*+1)=21a

(A)S = {3}. S ={2:3}. (©)s={-23}. (D) S ={-3;3).
® Loi gidi.

O b6 C6 Con Puong

. ’ In®x 1 O
$> Vidu 25. Biét F(x) la mot nguyén ham cta f(x) = théa F(1) = ——. Tinh tich
x(1+\/1n2x+1) 6 >

cdc nghiém cla phuong trinh F(x) = 0. ‘O

@1. ®e. @ez. 264. (:),
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2. TINH NGUYEN HAM — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thae véi cude séng

y 4/ J J

Nguyén Hodng Viét

Gv Ths

26/133 ’ B Th.S Nguyén Hoang Viet — 80905.193.688 ﬂ



Két ndi tri thire véi cude séng

y J/ J J

Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG

B-BAI TAP TU LUYEN
Cdu 1. Tinh nguyén ham I = | (3 +2x)?dx bing cach dit r = 3+ 2x. Ménh d nao dudi day ding?

1 1 1
@I:/szt. I:§/t3dt. @IZE/ﬁdt. @Izi/tzdt.
Cau 2. Tinh nguyén ham A = / dx bang cach dit ¢ = Inx. Ménh dé nao duéi day ding?
xlnx
1
@A:/tdt. @Az/;dt.

@A:/dt. :/t—zdt.
14+Inx N
Cadu 3. Nguyén ham / dx (x > 0) bang
@x+ln2x+C.

1 1
@§ln x+Inx+C. x+§1n2x+C. ©1n2x+lnx—|—C.
dx bang cach dit ¢ = cosx. Ménh dé nao dudi day ding?

Cadu 4. Tinh nguyén ham 7 = / Sy
1+cosx : |
AT = /—dt BT=- /—dt @TZ/;dt. @T:—/;dt.
CAu 5. Tinh I = /sinxcosxdx.
sin2x+C @I: sir;zx_i_c‘ @I: coszx+c

2
Ri-=2le @i
Cau 6. Tinh nguyén ham I = [ eV dx bing cdch dit 7 = /x. Ménh d& nao dudi ddy ding?
@I:/t~etdt. 1:2/-etdt. ©1== /tedt @Izz/t-e’dt.

1 <
=—(2x—1Inx) la
Inx

2
A2x— X e 2x—$+C. ©2h;|x|—)1—c+c. Dw-=—+c

2
Céu 8. Bibt F(x) la mot nguyén ham cia ham sb f(x) = —— - VA F(0) = 1. Tinh F(1).
(A)F(1) =In2+1. (B) F(1) :—ln2+1 (©F(1)=0. (D) F(1) =In2+2.
Cdu 9. Tim nguyén ham ctia ham s6 f(x) = v/x — 2.
3
/f(x)dx:—z(x—Z)\3/x—2+C.

@/f(x)MZZ(x—Z)\3/x—2+C.
@/f(x)dxz%(x—Z)\/x—2+C. @/f(x)dx:%(x—2)%+c.

CdAu 7. Ho nguyén ham ctia ham sb f(x)

2

Cau 10. Ho nguyén ham ctia ham s6 f(x) = ); - 1a
X7+
1 2 2 1
——+C. “Vx3+1+C. ——+C. —Vx3+1+C.
O ® v O 5= D3V
2x — o
il dx khi thuc hién phép doi bien u = v/x+ 1, thi dudc

Cau 11. Tinh I = /

@I /2u _3du. I:/(4u2— )du @I /4u _6du. @I /<2u — )du.
Cdau 12. Tim nguyen ham F (x) ctia ham sb f(x) = cosxy/sinx+ 1.

1 —2sinx — 3sin®x
F smx+1 vsinx+1+C. F(x)= .
@ ) (x) 2+/sinx+ 1
1
@F s1nx—|—1)\/s1nx—|— +C. @F(x):gsinx\/sin)H—l—l—C.
B Th.S Nguyén Hoang Viet — @ 0905.193.688 ‘

27/133"




2. TINH NGUYEN HAM — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

y J J J

Cdu 13. Biét /f(x) dx=2xIn(3x—1)+C véix € (%, +°°>. Tim khang dinh diing trong cac khang dinh
sau.

@ /f(3x)dx: 6xIn(9x — 1)+ C. /f(3x)dx: 3xIn(9x— 1) +C.

@/f(3x)dx: 2xIn(9x— 1) +C. ) /f(3x)dx= 6xIn(3x—1)+C.
Cdu 14. Biét /f(x) dx = 3xcos(2x — 5) +C. Tim khang dinh ding trong cac khang dinh sau.

A /f(3x) dx = 3xcos(6x—5) +C. /f(3x) dx = 9xcos(6x—5) + C.

© /f(3x) dx = 9xcos(2x—5) +C. D) /f(3x) dx = 3xcos(2x—5) +C.
Cdu 15. Biét/f(2x)dx:sin2x+lnx+c, tim nguyén hém/f(x)dx.

A /f(x)dx: 2sin? S+ 2ln+C. /f(x)dx — 2sin’x+2Inx—In2+C.

@/f(x)dxz23in22x+21nx—1n2+C. ) /f(x)dx= sin® 2+ Inx+C.

[ —
f%" Cau 16. Cho /f(x)dx:x\/x2+1+C. Tﬁm]z/x-f(x2> dx.

4 2
o) AI=2VFF1+C. 1:%\/x4+1+c. @I:%\/x“-l-l-l-C. D)I=xVAFri+C.

c
{o) 3 /
O Cau 17. Cho biét f(x) = x>+ 1. Tinh I = / MG
T f(x)
= AI=Va1i+c B)I=In(VaZ+1)+C.
‘W ©r=xTt1+cC D) 1=e""Fl4cC.
= . .
73 CdAu 18. Mot nguyén ham ctia ham sé f(x) = sinx - cos®x ¢6 dang la F(x) = —g sin’ x + gsin3 x, vOi ;—)l
= va 2 1 phan s tdi gian va a, b, c,d 1a cic sb nguyén duong. Tinh T =a+b+c+d.
»
& (A)Pidp dn khéc. (B)T=11. © T =10. (D) T=9.
-
6 Céu 19. Cho /2x(3x—2)6 dx=A(3x—2)8+B(3x—2)"+C Vi A,B € QvaC € R. Gia trj ctia biéu thitc
12A +7B bing
23 241 52 7
235 B35 5 5
1 1

+C, v6i a,b 12 s6 nguyén. Tinh b — a.

- <A X = —
Cadu 20. Blet/mdx— a(ZX+1)2 b(2x+1)

(A) 4. 4, (©)o. D) 2.

COS3X

Cdu 21. Tinh nguyén ham /2— dx.
sin”x + sinx

@ln|sinx|—sinx+C. (B) In|sinx| + sinx+C. ©ln|sinx|—cosx—|—C. @ln]sinx|—|—cosx+C.

N ) 1)3 1
Cau 22. Biét/m—)dx:—(x2—|—2x—3—|—bln|x2+2x—3|>—|—C, v6i a,b € Z. Tinh @ + 2.
x24+2x-3 a

(A) a® +b? =25. ®a+p2=2. (C)a®+b* =20. (D) a®+1b? = 13.

4

~ . N A PN N 2 N A 1 . 2 n - g A 2 ,
Cadu 23. Goi F(x) la mot nguyén ham cta ham so f(x) = e’ ¥ in 2x thoa F (5) = e. Tinh tong tat ca cac
nghiém cuia phuong trinh F(x) = 1 trén khoang (—10x; 107).

(A) 207, o, (C) 107, D)o.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

" . 1-x)7  (1-x)°
Cadu 24. Biét /xs(l—x3)6dx= (1-x) +( bx ) +C, véia,b € Z. Tinh a+b.
a

(A) 45. B) 3. ©o. D) -3.

(14 cos?x)(sinx + cotx)

C@u 25. Cho F(x) — / S
sin - x

(g) trén khoang (0;47). Tong S thudc khoang

(A) (127 187). (2m;47). (C) (4m;6m). (D) (0;27).

dx va S 1a tdng tat ca cac nghiém cla phuong trinh F (x) =

D6 C6 Con Puong

Noi Dau Cé Y Chi

29/133’ B Th.S Nguyén Hoang Viet — @ 0905.193.688 ﬂ



3. TINH NGUYEN HAM - SU DUNG PHUONG PHAP NGUYEN HAM TUNG PHAN K&t néi tri thirc véi cude séng

y /7 /7 7/
Bir3. TINH NGUYEN HAM - SU DUNG PHUONG

PHAP NGUYEN HAM TUNG PHAN

A Xe’tI:/u(x)~v'(x)dx:/u~dv:u~v—/v-d(u) (1)
® Chon biéu thitc u va tinh du = u’ - dx

@ Chon dv =V (x)dx. Tinh v = / V' (x) - dx va chon v (thuong chon C = 0.)

® Rdp cong thiic u‘v—/v- d(u)

A-CAC DANG TOAN THUONG GAP

e
‘@ & Dang 1. Nguyén ham tirng phdn véi ”u = da thic”

>

O

C ’ 2
18 > Vidu 1. Kétquacial = /xexdxlél

2 2

:g @I:xex—ex+C. (B)I=xe"+e' +C. @I:%e’“+c. @Iz%ex+ex+c.

z<g
o Loi gidi.

- g

@ ) 2
OO O PR PP R PPREOPRROO

B
L

o o
6 ..................................................................................................

$> Vidu 2. Tim ho nguyén ham f(x) = xcos2xdx.
®xsi;12x_coz2x+c. xsin2x—C0;2x+C.
2 in2. 2
@xsin2x+cos e @xsm x |, cos2x
2 2 4
o Loi gidi.

$>Vidu3. Chol= /xz.cosxdx va dit u = x?, dv = cosxdx. Khang dinh nio sau day la ding?
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

yV / J J
@I:xzsinx— /xsinxdx. [=x? sinx+/xsinxdx.

@I:xzsinx—Z/xsinxdx. @I:xzsinx+2/xsinxdx.

® Loi gidi.

$> Vidu 4. Ho nguyén ham ctia ham s6 f(x) = x(e* —sinx) Ia

@ (x—1)e* +xcosx —sinx+C. (x+1)e* +xcosx —sinx+C.
@(x—l)ex-l-xcosx—l-sinx-l-c. @(x—l)ex—xcosx—sinx—l-C. 0))
c
® Loi gidi I
>
.................................................................................................. ()
.................................................................................................. C
@)
.................................................................................................. O
.................................................................................................. \o
.................................................................................................. O
.................................................................................................. O

$> Vidu 5. Cho / H_ﬁdx — Axtanx + Bln|cosx| + C. Khi d6, gid tri ciia biéu thic T = A3 +B | .=
X

c6 gid tri bang bao nhiéu?

& Dang 2. Nguyén ham tirng phén véi “u = légarit”

$> Vidu 6. Tim nguyén ham I = /lnxdx

@%%—C. (B) xInx—x+C. @xlnx+x+C. @é—#C.

o Li gidi.
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3. TINH NGUYEN HAM - SU DUNG PHUONG PHAP NGUYEN HAM TUNG PHAN K&t néi tri thirc véi cude séng

y 4/ J J

. 2 1+1
¢S Vidu 7. Ho nguyén ham ctia ham s6 f(x) = —|—2nx la
x
| 2 1 2 | 2 1 2
“MiZie ®-E-Zic et =)
X x X X X X X X
® Loi gidi.
L e T T T T T T T T S
«@-
>
O
C ..................................................................................................
4 T
O
I ..................................................................................................
C 4
“g{ $> Vidu 8. Ho nguyén ham ctia ham s6 f(x) = (2x+1)Inx la
2
g) @(x2+x)lnx—%—x+c. (x> +x)Inx —x> —x+C.
b}
- @(xz—l—x)lnx—%—l—x—i—c. @(x2+x)lnx—x2+x—|—C.
(72]
L - .
— ® Loi giai
&
> Vidu 9. Nguyén ham I = /len(l-l—x) dx c6 két qua 1a
1
(W) (2 —1)In(x+1) —5( —2x)—|—C (@ +1)In(x+ 1)~ 3 (¥ ~2x) +C.
@(x —1)In(x+1)— (¥ —x)+ @ (x> —=1)In(x+1)—2(x* —2x) +C.

 Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y 4/ J J

- i In2
¢S Vidu 10. Tim mot nguyén ham F(x) cta ham so f(x) = n_zx
x
1
(A F(x)=—- Lin2xv—1), (B) F(x) = ——(In2x+1).
.
1
(©)F(x) )= ——(1—In2x). (D) F(x) ln2x+1)

o Li gidi.

& Dang 3. Nguyén ham két hop ddi bién sé va tirng phdn

$> Vidu 11. Biét ring /x3ex2dx = P(x)e"2 +C (C € R), trong d6 P(x) 1a mot ham s6 da thuc. Hay >
tinh gia tri cta biéu thic T = P(5). o)

@T:%. B)T=5. ©rT=12 @T:%. O

® Loi gidi. Q

$> Vidu 12. Tim ho nguyén ham ctia ham s6 f(x) = ¥ sin2x.
(A / F(x)dx = —2e° cosx + 2e%F 4 C. ® / £(x) dx = 2% cosx — 26 + C.
© / Fl)d = =267 4, ©) / F(x)dx = Smxcost—l—C

® Loi gidi.
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3. TINH NGUYEN HAM - SU DUNG PHUONG PHAP NGUYEN HAM TUNG PHAN K&t néi tri thirc véi cude séng

y 4/ J J

$> Vidu 13. Cho ham sb y = f(x) v6i f'(x) = Tim £(x), biét £ (0) = v/2.
co 2\/_

(A) f(x) = 2y/xtan\/x+ In|cos \/x| + v/2. f(x) = y/xtan/x+ 21n |cos /x| + V2.
@f(x) = 2,/xtan /x4 2In|cos /x| — V2. @ f(x) = 2¢/xtan/x + 21n |cos /x| + /2.

® Loi gidi.

Gv Ths: Nguyén Hodng Viét

$> Vidu 14. Tim mot nguyén ham y = F(x) ctia ham s6 f(x) = (x3 +3x) e* biét tiép tuyén cda do thi
ham s6 y = F(x ) tai diém cé hoanh d¢ bang 0 di qua diém M(—1; 2)

@F ——xe pe 1. .F ——xzexz—l—exz—l.
1
@Fx zix 2e% 42" @Fx )=x 2e” £ ev + 1.
® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

$o Vidu 15. (TNPT - 2020) Cho ham s6 f (x) = +2
VaZ+
gx) =(x+1)f (x)la

2 2

x“4+2x—2 x—2 2x“+x+2 x+2
<:>—+C. B) —=—+cC. (:>—+C. (:>—+C.

2Vx2+2 VxZ 42 x2 42 2Vx2 42

o Li gidi.

Ho tht c4 cac nguyén ham ctia ham sb

... =
O

.................................................................................................. >
2 Dang 4. Nguyén ham tirng phén dang "lap" 8

-

O

> Vidu 16. Cho F(x):/ex.cosxdx:ex(A.cosx+B.sinx)—|—CV6iA,BEQVQCER. Tinh gia tri 0
ciia biéu thic P = A 4 B. o)
A P=-2. B P=-1. ©r=2 D P=1. Z

® Loi gidi.

. N 1 L
<> Vidu 17. Nguyén ham ctia ham s6 y = — — —— co ket qua 1a
X Inx In“x
1 X X X
(:)I:— C. I=—+C. (:)I:—— C. (:)I:— C.
xInx + Inx + Inx + Inx +
o Loi gidi.

35/133" B Th.S Nguyén Hoang Viet — @ 0905.193.688 ﬂ



3. TINH NGUYEN HAM - SU DUNG PHUONG PHAP NGUYEN HAM TUNG PHAN K&t néi tri thirc véi cude séng

y 4/ J J

. : 1 1 ax’~b
$ Vidu 18. Biét/(x+—+1)e" xdx=x-¢ me +C,vdiabmeZ Tiha+b+m.
x
@a—l—b—{—sz. a+b+m:3. ©a+b+m:1. @a+b+m:—2.
® Loi gidii.

& Dang 5. Nguyén ham tirng phén dang "ham 4n'

& Vidu 19. Cho biét/f(x)dlenx—|—2x+C. TinhI:/(2x+1)f’(x)dx.
1 1
@Iz;—Zlnx+4x+C. (B)I=—-—2Inx+C.
X
1 i
@Iz;—lnx-l—C. @I:—+lnx+4x+C.
X
® Loi giai
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

2 4 | A La aTs % .
$> Vidu 20. Biét F(x) = 2 la mot nguyén ham ctia ham so y = @ Tinh /f'(x) Inxdx.
2In 1 2In 1
@/f/(x)lnxdxz——zx—i-—z—i-c. /f’(x)lnxdx:_zx_i__z_,_c.
21n)§c lx x21nx * 1
@/f/(x)IHdezx—z—;%—C. @/f’(x)lnxdx:—x—z—;—kC.

$> Vidu 21. Cho F(x) = (x— 1)e* 1a mdt nguyén ham ctia ham s f(x)e®*. Tim nguyén ham ctia ham
s6 f'(x)e?. ‘0

@/f’(x)ezxdx: (4 —2x)e" +C. /f’(x)ezxdxzz%xex—l—C. O

© / F)e¥dx = (2 —x)e" +C. ® / F)e¥dx = (x—2)e" +C. =

® Loi gidi. >
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3. TINH NGUYEN HAM - SU DUNG PHUONG PHAP NGUYEN HAM TUNG PHAN K&t néi tri thirc véi cude séng

y J J J
B—BAI TAP TU LUYEN
Cadu 1. Nguyén ham cta f(x) = xcosx la
@F(x)z—xsinx—cosx-i—C. (B) F(x) = xsinx+ cosx+C.
@F(x):xsinx—cosx—i—C. @F(x) = —xsinx+cosx+C.

Cdu 2. Xét / x-sinxdx. Khang dinh nao sau day ding?
@/x-sinxdx:x~cosx—/cosxdx. /x~sinxdx: —x~cosx—|—/cosxdx.
@/x-sinxdx: —x-cosx—/cosxdx. @ /x-sinxdx:x-cosx+/cosxdx.

Cdu 3. Xét / ¥ -e*dx. Khing dinh nao sau day ding?

@/xz'exdx=2x-ex—2/xexdx. /xz-exdx:xz-ex+2/xexdx.
@/xz-exdx:2x-ex—/xzexdx. @/xz-exdx:xz-ex—Z/xexdx.

ud. Xét / Inxdx. Khing dinh nao sau day ding?

/lnxdx:x-lnx—l-/dx /lnxdx:x-lnx—/xzdx.
/lnxdx—— JInx— /dx @/lnxdx:x-lnx—/dx.

u 5. Ho nguyén ham ctia ham s f(x) = x(1 +2sinx) 1a

0

0
£ @@Q’ © @ £

x> — (2x—2)sinx +C. (B) x% — 2xcosx +2sinx+C.
1 1
7% x> 4 2xcosx —2sinx+C. @ §x2—2xcosx+2sinx+C.

0

u 6. Ho nguyén ham ctia ham s f(x) = 2xe**! 1a

Gv Ths: Nguyén Hodng Viét

@ %(x— l)ex+1 +C. (x— 1)ex+1 +C. @2(x— 1)ex+1 el @ (2x — 1)ex+1 +C.
Cdu 71 Ho nguyeln ham ctia ham s6 f(x) = x*Inx 1a | |
x4 Inx — —x*4 ) L I — a3,
gi‘ ! ln;rfx“:z Lllx4 lni 116)64
4 16 4 16"

Cadu 8. Tinh /xegdx.
@/xegdx:3 x—3)e%—|—C. ./xe3 = (x+3)e3 +C.
@/xe3dx— e3 +C. @/xe3dx= —;—3e§+C.

Cdau 9. Két qué tinh /2xln(x— 1)dx bing

2 2

@(x2+1)1n(x—1)—%—x+C. (xz—l)ln(x—l)—%+x+C.
@len(x—l)—)%z—x+c. @(xz—l)ln(x—l)—)%z—x+C.

Cau 10. Tim nguyén ham ctia ham s6 f(x) = /x-Inx.

@/f :—xZ (3lnx—2)+C. ./fx
@/f =—x2 (3lnx—1)+C. @/f
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
xe™*. Tinh F(x) biét F(0) = 1.

F(x)=(x+1)e*+1.

F(x)=—(x+1)e " +1.

la

(x+1)e* +xcosx —sinx+C.

(x—1)e* —xcosx —sinx+C.

Cau 11. Cho F(x) 1a mot nguyén ham cla ham s6 f(x) =
(A)F(x) = —(x+1)e " +2.
@F( ) =(x+1)e ™ +2.

Cau 12. Ho nguyén ham ctia ham s f(x) = x (e —si
@ (x—1)e*+xcosx —sinx+C.
@ (x—1)e* +xcosx+sinx+C.

Cdu 13. Biét F( ) 1a mot nguyén ham ctia ham sb f(x) = 2xInx va F(1) = 0. Tinh F(e).

A Fle) =S “. .F(e):3"22_1. Fle)=1. D) Fe) = 32— 1.

Cdu 14. Ho nguyén ham ctia ham sb f(x) = x(1 +sin2x) 1a

@Q

=

~—

X

©®

©

1 2 1
@%+§c052x—zsin2x+c. %—%sian—chost—kC.
1 1
@%—§c052x+zsin2x+c. @§c052x+zsin2x+C.
Céu 15. Tinh 1= [ % dx.
sin“x
@I = —xcotx+In|sinx| +C . [ = —xcotx —In|sinx|+C.
@I:xcotx—ln|sinx|+C. @I:xcotx+ln|sinx|+C.
21
Cdu 16. Tinh I = 5— Inxdx.
1 ) 1 1 1
@I:(x+—)lnx—x+—+c. :(x+—)lnx—x+——|—C.
x x x x

1 1 1 1
@I:(x+—)lnx—x——+c. @I:(x——)lnx—x+—+c.
X X X X

N P X
Cau 17. (TN2020 - Ma d& 102). Cho ham sb f(x) = :
g) =(x+1)-f'(x)la

®x2+2x—3' x+3 ‘ ©2x2+x+3. @ x—3

Ho tat ca cac nguyén ham ctia ham so

2vx2+3 2vx2+3 Va2 +3 Va2 43
- 1 )
Cdu 18. Cho F(x) = — la mot nguyén ham ctia @ Tim nguyén ham cda ham s6 (x> +1) ' (x).
x x
2 2 2 2
8x+ = +C. 4x— - +C. 4x+ - +C. 8&x—— +C.
@x+x2—l— X x2+ ©x+x2+ @x x2+
Cau 19. Cho F(x) = x> 12 mdt nguyén ham ciia f(x)e*. Tim nguyén ham ctia f’(x)e**
@/f’(x)ezxdx:2x+2x2+C. /f'(x)ezxdx=2x—2x2+C.
@/f’(x)ezxdx:x—x2+c. @/f’(x)ezxdx:—2x+2x2+c.
~ 1
Cau 20. Cho F(x) = — 1a mot nguyén ham ctia x> f(x). Tim nguyén ham cda f’(x)x* Inx
x
4 4 4 4
@/f’(x)x3lnxdx: —Inx——+C. /f’(x)x3lnxdx: ——Inx+-+C.
x x x x
4 4 4 4
@/f’(x)x3lnxdx: ——Inx—-+C. @/f’(x)x3lnxdx: —Inx+-+C.
x x x x

CdAu 21. Cho F(x) = 2(x — 1)e* 1a mot nguyén ham cta ham s6 f’(x)e* théa £(0) = 0. Tim nguyén ham
clia ham s6 f(x)e*

@/f(x)exdx: (P+2x+2) e +C' . /f(x)exdx: (@ —2x+2) e +C.
@/f(x)exdx:(x—l)zex+C'. @/f(x)exdx:(x+1)zex+C'.
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3. TINH NGUYEN HAM - SU DUNG PHUONG PHAP NGUYEN HAM TUNG PHAN K&t néi tri thirc véi cude séng

Viét

~

Gv Ths: Nguyén Hoang

)

y J/ J J

Cdu 22. Cho F(x) = (1 - %) cosx + xsinx 12 mot nguyén ham ctia ham s6 f(x) sinx. Tim nguyén ham

ctia ham s6 f’(x) cosx.

@/f'(x)cosxdxzxsinx—cosx-i—C. /f’(x)cosxdx:xcosx—i-sinx-i—C.
@/f’(x)cosxdx:xcosx—sinx+C. @/f'(x)cosxdx:xsinx+cosx+C.
fx)

Cdu 23. Cho F(x) = xtanx+ In|cosx| 1a mot nguyén ham ctia ham s6 ~—>—. Tim nguyén ham ctia ham
cos?x

s6 f'(x)tanx

@/f’(x)tanxdx:1n|cosx|+c. /f'(x)tanxdx:—ln|cosx|—|—C.
@/f’(x)tanxdx:—ln|cosx|+sinx+C. @/f’(x)tanxdx=ln|sinx|+€.

~ . 4 > N A . 3 1 A ‘A 2
Cadu 24. Biét F(x) 1a mot nguyén ham cia ham so f(x) = e*-sinx thda F(0) = — 7 So6 nghiém cuta phuong

trinh F(x) = 0 trén khoang (—20m;207) la

(A)34. (B) 41. (C)39. (D) 40.
Inx — 1) dx— a(bx+m)

+C,
Inx

- 2 L. A v e g N
Cdu 25. BietF(x) = o la mot nguyén ham ctia ham s6 f(x) va / < fx)+
x
v6ia,b,m € Z. Tinh téng T = 2a+ b+ 3m.

(AT =4. B)T=2. ©7T=5. DT =6.

HET

In%x
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J J J 2
Bir4. TINH TICH PHAN - SU DUNG DINH NGHIA,
TINH CHAT

A-CAC DANG TOAN THUONG GAP

& Dang 1. S dung dinh nghia, tinh chét tich phén

2
$> Vidu 1. Tich phan / (x2 - 3x) dx bang

0 2
o

T
T
¢ Vidu 2. Gi tri cia /sin 3xdx biang ‘c
0

®2+\/§ —2+\/§. ©—2—ﬁ. @2—\/5. >

2018
<9 Vidu 3. Tich phan / 2% dx bing
0

22018 -1

2018 __ 2018
(A)2 1. . ©1n2' (D) 22018,
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4. TINH TICH PHAN - SU DUNG DINH NGHIA, TINH CHAT

Két néi tri thirc véi cude séng

y J/ J J

va F(0) = 3. Tinh F(9).

(A) 6. ®) 6. ©12.

D) -12.

9

$> Vidu 4. Cho ham sd f(x) lién tuc trén R va F(x) 1a mot nguyén ham ctia f(x), biét / flx)dx=9

® Loi gidi.

2 10

cﬁaP:/f(x)dx+/f(x)dx.

6

Gv Ths: Nguyén Hodng Viét

10

$> Vidu 6. Cho ham s6 f(x) lién tuc trén [0;10] thda man /f(x) dx =17,
0

@P0=3. B P=1. ©pr=a.

/f(x) dx = 3. Tinh gia tri

2

o Loi gidi.

3

3
v / [2f(x) — g(x)] dx = 6. Tinh [ — / [£(x) +g(x)] dx.
1

1

$> Vidu 7. Cho f(x) va g(x) 1a hai ham s lién tuc trén doan [1;3], théa man / [f(x)+3g(x)] dx=10

e

1
42/133 ’
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

V J/ J J
‘ (A)I=6. ®1=7. ©1=9. (D)1=3.

0
$> Vidu 8. Cho y = f(x) xac dinh va lién tuc trén tap R. Biét f(x) 1a ham s 1& théa / f(x)dx=4va | £
=) o
5 5 O
/ F(x)dx =7. Tinh / Flo)dx £
-3

3 A 15. B 7. ©)a. D) -1. >

$> Vidu 9. Cho ham s y = f(x) ¢6 dao ham lién tuc trén doan [0;1] va f(1) — £(0) = 2. Tich phan
1

I:/[f’(x)—ex}dxbﬁng
0

@1—6. 1—|—e. @3—6. @3+e.
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4. TINH TICH PHAN - SU DUNG DINH NGHIA, TINH CHAT K&t néi tri thirc véi cude séng

44/133 ’

® Loi gidi.

; ) 1-2x néux>0
$> Vidu 10. Chohémséf(x):{ ronens

1
. . Tinh gi4 tri bi€u thic I = / f(x)dx.
cosx neux<0 i

1
A)I=-2. 1=§. ©1=1. (D)1=0.
® Loi giai
. . 1 ’
<O Vidu 11. Cho F(x) la mdt nguyén ham cta ham so f(x) = 3 Biét F(1) =2, gia tri caa F(0)
P

bing

(A)2+1n2. In2. (©)2+1n(-2). (D) In(-2).

® Loi gidi.

> Vidu 12. Cho ham sb f(x) xdc dinh trén R\ {1} théa man f’(x) = %l,f(O) =2018, f(2) =2019.
Tinh S = £(3) — f(—1).

(A)S = 1n4035. (B) S=4. (©)s=Mn2. D)s=1.

y 4/ J J
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

.................................................................................................. O

¢ Viduy 13.
Cho ham sb y = f(x) lién tuc trén [—2;3] va c¢6 do thi nhu hinh vé.
3

N <

Tinh/f(x)dx.
2
A)2. 4. oL ®2

Noi PauCé YChiO b

& Dang 2. Tdch ham dang tich thanh tdng cdc ham co bdn
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4. TINH TICH PHAN - SU DUNG DINH NGHIA, TINH CHAT

Két néi tri thirc véi cude séng

yV J J J
1
%> Vi du 14. Tinh tich phan / (¥ +1)%dx
0
96 28 7 23
s ® ©3 s
® Loi gidi.
T
; T b b
$ Vidu 15. Biét /sinzxdx =~ ——— Vv6ia,b,ccZva— tbigian. Tinh a+ b +c.
a c¢J2 c
e 0
‘@ (A)40. ®) 21. ©12. D)s.
>
O ® Loi gidi.
c
0
O e
U
S
«@®
N
-
m ..................................................................................................
T EUEI
0
I-E Inv?2
S $> Vidu 16. Biét / (e"+1)3dx=aVv2+bIn2+c, véia,b,c € Q. Tinh a+b+c.
(0) 0
7 17
6. 2. =. —
@ 3 3 6
® Loi giai

‘ $> Vidu 17.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG

Két néi tri thirc vai cude séng

Cho ham s6 y = f(x) c¢6 d6 thi 1a mot parabol nhu hinh bén. Tinh
3
[a=Dfwar
0
9 9 135 135
3 o B @

4

y 4/ J J

® Loi gidi.

& Dang 3. Tdch ham dang phdn thitrc thanh tdng céc ham co bdn

1
. 2 1 1 1 A A
<> Vidu 18. Biét / (2x—|—1 BT 1) dx = glng trong d6 a,b nguyén duong va g la phén so toi 6
gian. Khang dinh nao sau day 1a khang dinh sai? >
b
A Ya+vVb=1. g+1:7. ©a—-b=11. D) a+b<22. ‘8
® Loi gidi. S
.................................................................................................. 6
.................................................................................................. O
.................................................................................................. =
1
- A 2x+3 3 oz S
> Viduy 19. BletI:/ ~"dv=aln2+b, (a,h € Q). Khi o a+2b bing
0
(A)o. 2. (©)3. D) 7.
® Loi gidi.
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4. TINH TICH PHAN - SU DUNG BINH NGHIA, TINH CHAT Két ndi tri thire véi cude sbng

y 4/ J J

Viet

> Vi du 20. Biét /

X+

ang

day?

~

1dx =a+1Inb(a,b € Z). Goi S = 2a+ b, gia tri cia S thudc khoang nao sau

(A) (4:6). (8:10).

(©) (2;4). (D) (6:8).

Ho

)
~

guyén

Gv Ths: N

ding trong cac khang dinh sau

1

2
3 12,2 2
¢ Vidu 21. Cho tich phan /m

x+1

(A)b<0. B c>0.

dx = a+bIn2 +cIn3 véi a,b,c € R. Chon khang dinh

©a<0. @a+b+c>0.

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

dx
(2x+1)

(A)S=1. 1 B) s=0. ©s=-1. D s=2.

2
> Vi du 22. ChoI:/(x+1); — aln2+bIn3 +cln5, véia,b,c € Q. Tinh S = a+ b+c.

$ Vidu 23. Cho / dx = aln2 4 bIn3 + cIn3, véi a,b,c 1 cic s6 nguyén. Ménh dé nao

/ x> +5x+6
dudi day ding? O
®a+b+c:4. a—|—b~|—c:—3. ©a+b+c:2. @a—l—b—l—c:6. ‘0

@ Loi gidi. 0O

1
2
1’ <A 2 2,0 N 3 A A N N - A
<> Vidu 24. Biét O/ % dx = ;—)l — lnc—j, v6i a, b, c,d 1a cac sO nguyén duong va ;—j, 2 la cac phan

A LA .2 .z . L3 - R 2, a c v
SO toi gian. Gia tri cua biéu thuc T = b + p bang
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4. TINH TICH PHAN - SU DUNG BINH NGHIA, TINH CHAT Két ndi tri thire véi cude sbng

V' J J J
79 1249
= 41. (©)20. =

® Loi gidi.

[ -
O
>
O 3 &
S| <« Vidu2s Biét/—:a\f3+bﬁ+cv61a b, c 1a cic sb hitu t§. Tinh P =

d £9. , b, y. Tin a+b+c.
O _
o 1\/x—I—l VX )
T @r-2 ®r=2 ©P=s. DP=-=:.
c 3 2 3
z<d>.)~

® Loi giai

5 g
o) DU
i
7 R
c
P
D
O
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
B—BAI TAP TU LUYEN
3

Cdau 1. (TN2020 -Ma dé 101). Blet/f )dx = 3. Gia tri cua/Zf(x)dx bing

(A)s. ®)o9. (©)s. @%.

Cau 2. (TN2020 -Ma dé 101). Biét F(x) = x> 12 mot nguyén ham ctia ham s f(x) trén R. Gid tri ctia

2
/ 2+ f(x))dx bang

1
(A)5. ®) 3. @?. @;
VR
Céu 3. Tinhlz/(zx—_i_l+3\/)_c)dx
(A)1+1n+/3. 0 (B) 2+1n3. (C)2+1InV3. (D)4 +1n3.
CdAu 4. Cho F(x) 1a nguyén ham ctia ham sb f(x) = lnTX Tinh I = F(e) — F(1).
@1:%. 1:%. ©r=1. D)I=e.

1
Cdu 5. Gia tri ctia / (2019x*°18 — 1) dx bang
0

(A)o. 22017 4 1. (©)22017 1, D) 1.

b
CAau 6. Vi a,b 1 cdc tham sb thuc. Gid tri cla tich phan / (3> —2ax — 1) dx biing

0
(A) b — b*a—b. (B) b* +b2a+b. (C©)b® —ba® —b. (D) 36 — 2ab— 1.
2
CaAu 7. Cho ham sd f(x) lién tuc trén R va / (f(x) + 3x2> dx = 10. Tinh /f(x)dx
0 0

(A) —18. —2. (C©)18. D) 2.
Cau 8. Cho ham sb f(x) théa man f(1) = 12, f'(x) lién tuc trén doan [1;4] va / #'(x)dx = 17. Tinh
74). |
(A)29. 9. (©)26. @s.
Cau 9. Cho /f )dx =3 Va/zg (x)dx = —5, khi dé/[3f(x)+4g(x)] dx bing
(A)29. -3. O@ —11. (D) 4.
Cau 10. Cho / Flx)de = 4 va / 2(x) dx = 3. Tinh tich phan I — ][2 F(x) = 5g(x)] dx.
(A)T=-T7. R ;1=7 @1:-141. (D)1=14.

o
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4. TINH TICH PHAN - SU DUNG DINH NGHIA, TINH CHAT K&t néi tri thirc véi cude séng

GV Ths: Nguy

y J/ J J
5

Céau 11. Chohaltlchphan/f )dx = 8va/ (x)dx = =3. T1nh/ —1] dx.
)

(A)I=—11. (B)I=13. (©1=27. (D)1=3.

32 khio<x<1
4—x khil<x<2

@7 ® 1 @g. Ok

Cdu 12. Chohamsby = f(x) = { . Tinh tich phan /f(x) dx

a
Cau 13. C6 hai gia tri ctia s6 thuc a 1a a; va ar (0 < a; < ap) thdéa man /(2x— 3)dx = 0. Hay tinh
1

T =3%+3% +log, (@).
ai

(A)T =26. BT =12 ©T1=13 (D) T =28.

1
1 . .
== ~ N A o s, o g
. Cdu 14. Chol= /—dx,m la s0 thuc duong. Tim tat ca cac gia tri ctam dé 1 > 1.
:S | Vacem e AHene s =
1 1 1 1

o) Ao<m<-. B m>-. (C©m>o. —<m< -,

= 4 4 8 4
0 ) )

O Cau 15. Cho ham s6 y = f(x) dat cuc tri tai x = —1 va c¢6 dao ham cap hai

- lién tyuc trén R. DO thi ham s6 f(x) nhu hinh bén. Biét ring duang thang d

c
«@®

12 mot tiép tuyén cda (C) tai diém c6 hoanh do x = 3. Tinh / ' (x

A)o. ® 3. © -2 @1

Cau 16. Cho ham s6 bac ba y = f(x) thda man f(x) + 1 chia hét cho (x — 1)? va f(x) — 1 chia hét cho
1

(x4 1)2. Tinh /f(x)dx
0

@A)s. 7 @_g. 5

2

Cdu 17. Cho ham s6 y = f(x) lién tuc, luon duong trén [0;3] va théa man I = / f(x)dx = 4. Khi do gia

tri cla tich phan K = /(elJrln F®) 4y 4)dx 1a

0
(A) 14+ 3e. (B) 4e + 14. (C)12+4e. (D)3e+12.

1
R . 2ab b o S
Cadu 18. Cho a,b la cac so thuc théamﬁn/ abxtat dx=0. Giatri cia S = ab+ a+ b bang

/ (1+ax)(1+bx)
(A)S=0,S=1. (B)S=-2,S=0. (©)s=1,5=-2. D)S=-2,S=1.

1

2
R ) | ,
Cau 19. Cho biét / YYD 4 — a4 bIn2, trong d6 a, b 13 hai s hitu t, thi

x+1

0
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

V' J J J
1 3 1 5
(Aa+b=—. B a+b="=. (©a+b=—-. D)a+b==
2 2 2 2
1 1
Cdu 20. Cho/(—)dx:aln2+bln3 v6i a, b 1a cac s6 nguyén. Ménh dé nao sau diy diing?
/ x2+3x+2
(A)a+2b=0. (B)a—2b=0. Ca+b=-2. D)a+b=2.
3
Cau 21 Cho/idx—aln5+bln3+3ln2 (a,b€Q). Tinh P=2a—>
' ) 22 —3x+1 ’ ' B '
15
@PZl. P:7, @P___ (@P:7

Cdu 22. Cho tichphén/ dx=aln3+bIn2+c, v6ia,b,c € Q. TinhS=a+b+c.

2

@S:—%. Sz—%. @S:%. @S:%.

x3 4+ x2

Jx
CAu 23. Cho ham sb f(x) / 4t — 8t dt. Goi m, M 1an lugt 12 gia tri nhd nhét, gia tri 16n nhat ctia ham
1

s6 f(x) trén doan [1;6]. Tinh M — m.

(A) 16. B 12. (C©)18. D)o.
) 5
Cdu 24. Biétl:/xx+1xdx:5+lnb—lnc. Tinh gi tri bidu thitc § — a— b+ c.
1
(A)S=1. B) s=3. (C)s=-3. D)s=1.
2
Cdu 25. Biét/ dr =va+Vb—cvéia,b,c€Z". TmhP=a+b+c.
| XVx+24 (x+2)y/x
(A P=2. B P=38. (C)p=46. (D) P=22.

— HET——

Noi Pau Cé Y Chi & P6 C6 Con Dudng
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5. TINH TICH PHAN — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

Viet

~

Gv Ths: Nguyén Hoang

)

54/133 ‘

Bir5. TINH TICH PHAN SU’ DUNG PHUONG PHAP
DOI BIEN SO

A-CAC DANG TOAN THUONG GAP

& Dang 1. i bién logi

n
@ Nhandang |l = / Flu(x)] - (x)dx | (c6 u(x) va dao ham cta né kem theo 1a v/ (x)).

& Céc budc giai:
@ Piatt =u(x) = dt = u/(x)dx
@ Déi can

ox=m=1t=u(m) ex=n=1t=u(n)
u(n)
® Chuyén I = /f(t)-dt. Sau d6 tinh két qua.
u(m)
; dx
. , n X S
<> Vidu 1. Tich phan/xz_'_3 bang
0
1. 7 7 1,7 1.3
—log—. In—. =In-. =In—-.
@) 3108 ®ny ©30; OFLE

® Ldi gidi.

%
> Vidu2. Chol= /sinzx -cosxdx va u = sinx. Ménh dé nao dudi day ding?
0

0 1 1 1
@I:—/uzdu. I:/uzdu. @I:—/uzdu. @IzZ/udu.
1 0 0

0

® Loi gidi.

y J/ J J
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

4
$> Vidu 3. Cho tich phan I = / xV/ x2 +9dx. Khi dit = v/x% + 9 thi tich phan da cho tr§ thanh
0
5 4 4 5
@I:/ rdr. I:/ tdr. @I:/ 12 dr. @I:/ 2 dr.
3 0 0 3

o Li gidi.

—2x—|—2dx'
(A) In2. —In2. (©)Inv2. (D) —Inv2.

® Loi gidi.

1
& Vidy 4. Tinh/ ]
X
0

O b6 C6 Con Puong

’ dx . N 2, A ~, 2 . . L3 M
<> Vidu 5. Cho/x—2=a+bln2+cln3 Véi a, b, c 1a cac so hitu ti. Gid tri cua a+ b+ c bang \—
/ (2x+1) c
1 5 1 1 O
1 N . ! -

12

Id 4 l 3 N
<> Vidu 6. Biét /)ﬁ dx=aln 5 +b, (a, b € Q). Ménh dé nao sau day ding?
1

Aa—b=1. (B)2a+b=1. ©a?+p: =4 (D) a+2b=0.

® Loi gidi.
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5. TINH TICH PHAN - SU DUNG PHUONG PHAP DI BIEN 5O K&t néi tri thic véi cude séng

y 4/ J J

1)Inx+1 44 pe? .
&> Vidu 7. Cho tich phan I = / +xln)Iclx+ dx:@—I—c—l—dlnzChanhétbiéudﬁng.

@a: b=c=d. a=b2: c=1.

@a:bzzﬁ:—l. @b_a _\/__1
:lq—) C C
= ® Li gidi.
S 9
O
c
e
o --------------------------------------------------------------------------------------------------
o oo
S
()
> ..................................................................................................
=
O
Z ..................................................................................................
G
D =
[
EEF EPPRPPRR
D o
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

a 3
3 +x
¢ Vidu 8. TinhI:/ X
' Va2 +1

W= (@ + 1)V F1-1. OIE
%[(a2+1)\/512—+1+1]. D)= (a

(@+1) Va2 +1-1].
+1) Va2 +1+1.

’\ U.)Ir—
[\)l_|

dr =2 £ bIn2+cln3 Vi a, b, ¢ 12 céc s6 nguyén. Gid tria+b+c O

X
Cholz/— , b, .
4 4424/x+1 3 ' Ve

bing O
(A)9. ®) 2. ©1 D). -

D Loi gidi. O

$> Vidu 9.
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5. TINH TICH PHAN — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

y 4/ J J

8
. . 1
$> Vidu 10. Biét/ +1dx:aln2+bln3—|—cln4, véi a,b,c € Z. Tinh § = a*> + b* + 2.
XV X
3
(A)S=2. (B)S=3. (©)s=4. (D)S=5.
® LJi gidi.

L e S S

«@-

S
D
C

O 1
:% > Vidu 11. Cho/ﬁdx:a—l—bln € V6ia, bl cac s6 hitu ti. Tinh S = @ + b3
: O

«®| ABs=-2 (B)S=0 ©s=1 D)s=2
>
3) ® Loi giai
b
»

R
o
6 ..................................................................................................

1
. (x> +x)e*
> Vidu 12. Cho/mdxzae—i-bln(e-i—c) véi a, b, ¢ € Z. Tinh gid tri ctia P = a+ 2b—c.
0
(A P=-—1. B P=1. ©pr=-2. (D) P=0.

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J/ J J

& Dang 2. Lwvong Gidc Hoa

1
® | | ———dx| Ditx = asint. @ /\/ a? — x?dx | Dat x = |a|sint.
as—x
1
© /ﬁdx : Dt x = |a|tant. @ Trudng hop \/x%+ nx+ p, ta phan tich thanh
a*+x
va=E (x—xp)% Sau d6 chon mot trong hai )
cach dat x —xp = y/asins hodac x — xp = g
Vatant ,b
n)]
$® Vidu 13. Déi bié 2 hi tich ph dr hanh S
1 du 13. Dai bien x = 2sint thi tich phan tr§ than
0o
T T T T
6 3 & (9 ‘8
@/tdt. /tdt. @/dt. @/—
0 0 0 0 ! ‘0
n)]
o Loi gidi O
\ ==
L
.................................................................................................. O
.................................................................................................. >
.................................................................................................. ‘O
.................................................................................................. O
-
.................................................................................................. ‘c
.................................................................................................. )
.................................................................................................. D
.................................................................................................. =

2V2
> Vidu 14. Cho tich phan I = / v/ 16 — x2dx va x = 4sint. Ménh dé nao sau day diing?

El

T
4 4
@1:8/ (14 cos2r)d ® 1= 16/sin2tdt.
0 0
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5. TINH TICH PHAN - SU DUNG PHUONG PHAP DI BIEN 5O K&t néi tri thic véi cude séng

yV J/ J J
i3 T
7 1
©1:8/(1—cos2t)dt. @1:—16/cos2tdt.
0 0
® Loi gidi.
Vo
< Vidu 15. Tinh tich phﬁn0/2+x2dx: \/gn, V(’ii;—;téi gian. Tinh a + b.
(A)a+b=30. (B) a+b=37. (Ca+b=35. (D)a+b=33.

® Loi gidi.

Gv Ths: Nguyén Hodng Viét
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
B—BAI TAP TU LUYEN

b/
Cdau l. Tinh I = /cos3x-sinxdx.
0

@—%4. —n*. ©o. D)

I

2
Cdu 2. Tich phan / 2x(x* +1)%18 dx bing
0

52019 -1 52019 -1 52018 -1

@ 2019 4038 @ 4036 @1'

5
Cdu 3. Cho tich phan /

/3

(A)2a+b=0. (B)a—2b=0. (C)2a—b=0. (D) a+2b=0.
b
C@u 4. Cho ham s f(x) c6 dao ham trén (a;b) va f(a) = f(b). Tinh I = / £ (x)e’™ d.

(A)1=0. B I1=1. ©1=-1. D)1=2.
V3
xv/14+x2dx c6 gia tri biang

sinx

dx = aln5+ bIn2 véi a, b € Z. Ménh dé nao dudi day ding?
Cosx +

W)

Cau 5. Tich phan

——

@8—2\/§ 4—\@. ©4+ﬁ. @8+2\/§.

3 ' 3 3
n
2
CAu 6. Tinh I = /ecosx sinxdx.
0

(AT=e—1. B)I=—c—1. (C)I=—e+1. D) I=e+1.

1
2x
Cau 7. Cholz/ ¢ dx.Ditt = ¢ Khi dé
e +1
0
o 1z It P
1= [ a. — [ 1= [ ——a. 1= a.
@ /z+1 /r+1 © /t—I—l © /t—l—l
0 1 0 1

]

2
Cau 8. Cho tich phan I = /\/2 +cosx-sinxdx. Néu dit # = 2+ cosx thi két qua nao sau diy diing?
0

T

3 2

2 2
= [ vid. = [ Vid. =2 [ Vidr. = [ Vid.
@I 3/tdt ®1 /tdt @I 23/ tde @I /tdt

2 0

2
Cau9. Chol= /x(x— 1)°dx va u = x— 1. Khing dinh nao sau ddy 1a khing dinh sai?
1

1 2 1
@]:/(u+1)u5du- ]:/x(l—x)5dx. @I: (%64‘%5)

13
; D=y
0 1
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5. TINH TICH PHAN — SU DUNG PHUONG PHAP BOI BIEN SO K&t néi i thirc véi cude séng

y J/ J J

2 .
x|l dx:a1n2+bln3—i—cln5, V@i a, b, clacac so nguyén. Tinh P =2a+3b+4c.

Cdu 10. Biétl= /
(A P=-3. (B)P=3. ©P=09. DP=1.

Cau 11. Chol= / V4 —x2dx vat = vA— 22, Khéng dinh nio sau day sai?

12 V3 V3 /3 V3
(A)I=1/3. BI== @Iz/tzdt. DiI==
2o 3o
0
€
~ v 1431 oe | e .
Cau 12. Cho I = / %dx. Xét phép doi bien ¢ = /1 + 31Inx. Hay chon khang dinh sai trong cac
khéang dinh sau.
2 ) 2
2 14 2 2
@I:—/tdt. ®1=—. ©r1==28 . @Iz—/tzdt.
. 3 9 9 |, 3
«@- 1 1
'S R 4 1
Cau 13. Chol = / F(£)dr = 9. Tinh tich phan J / F(3x+1)dx.
(0)) 1 0
g (A)9. (B) 27. (©)3. D) 1.
4
:Io: Cau 14. Neu/ fx)dx = 3th1/ f(2x) dx biang bao nhiéu?
@ B 6 ©3 O
>
= 1
O) Cau 15. Cho /f(x)dx=2018. Tinhlz/xf(x2+1)dx.
= 1 0
g (A)1=2018%+1. (B) I = 4036. (©)1=1009. (D) 1=12018.
- V3
6 Cdu 16. Cho ham sb f(x) lién tuc trén doan [2;3] thda man /f(x)dx: 2018. Tinh [ = /xf(xz)dx
V2
(A)1=2018% I =1009. (C)1=14036. (D) I = v/2018.
~ P 1 .
Cau 17. Biét/dezaerfzvaia,blacéc s6 hitu 5. Tinh S = a -+ b,
/ 1+Inx
1 2
(A)S=1. ®s=7. @S:Z. @S:§
%
Cadu 18. ChoI:/ (e“** +sinx)sinxdx = a+be+cm véia, b, c € Q. Tinha+b+c.
0
3 1 2
®2 ®° o OH
%
. COSX 4 e o S e
Cdu 19. Cho/ — - dx =aln—+b, v6i a,b,c € N. Tong S = a+ b+ ¢ bang gia tri nao sau
sin“x —S5sinx+6 c
day?

(A)S=1. (B)S=4. (C©)s=3. (D)s=o.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J

—a+bV2+cV35v6ia,b,c€Q,tinh P=a-+2b+c—17.

2
Céu 20. Biét / Y g
/ 3x+ V9?2 —1
1 86 67
@ _§- 9 ﬁ. ©_2- ﬁ.

x?—x+2 dr a—4vb

4
Cdu 21. Biétrangl = / . Véi a, b, ¢ 1a cac sd nguyén duong. Tinh a+ b +c.
3

x+vVx—=2 B c
(A) 39. 27. (C)33. (D) 41.
- ; 2017
Cdu 22. Tinh tich phan / (x3 —3x% + 2) dx.

-1

(A)o. 2,1-10715. (C)690952.38. 272

35°

~ 2 - 3 3 . NI A A . s s 9 - R P
Cadu 23. Cho a — %4 cm —, V6i a, b, c 1a cac s0 nguyén duong. Tinh gia tri cia biéu thiic

——dx
; 1++vx+1 b 2
P=a+b+c.

(A P=17. B P=12. (©pr=1s. D) P=1.

dx

=aln2+bInS+clnll véia, b, c 1a cac sd hitu
xXVx+9

55
Cau 24. (THPT QUOC GIA 2018 - 101). Cho /
16

ti. Ménh dé nao duéi day ding?

@a—b:—c. Bla+b=c. ©a+b:3c. @a—b:—3c.

xsinx + cosx + 2x n? b .. s o4 . b
- dx = — +1In— véi a,b,c 1a cac sO nguyén duong va — la phén so toi
sinx+ 2 a c c

%
Cédu 25. Biét /

0
gian. Tmh P=a-b-c.
(A) P =24 (B) P=13. (C)p=48. (D) P = 9.
2

~ % 1 X l 1
Céu 26. Biét]:/x( +e%) +Inx+ .

(xInx+e¥)? " bIn2te

2 .
+ . véi a, b, c 1a cac so nguyén. Tinh P =a+ b+

C'@st. (B P=6. ©r=1. DpP=1.

(S}

Cau 27. Néu [ 2% 40— Cne, (véia,b,c € Z, a> 0, g 14 phan s t6i gian) thi a + 25 + 3¢ Ia

J /1 +sin2x b
iy
(A)13. 14, (©)o. D) 11.

1
CQu 28. Cho ham sb f(x) = ¥* — 43+ 22 —x+1, Vx € R. Tinh / 200 f(x)dx.
0

@%. ®2 @—g. ©-2

1
2 x
. ) Sx+6 .
Céu 29. Biét/(x O e bt
x+24+e X

0
tu nhién. Tinh S =2a+b+c.

v6i a, b, c 1a cac sO nguyén va e la cd so cua logarit

(A)S=10. (B)S=0. (©)s=o. (D)s=9.
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5. TINH TICH PHAN - SU DUNG PHUONG PHAP DI BIEN 5O K&t néi tri thic véi cude séng

y J J J
% cos n? 3
) XCOSX )
Cdau 30. Biet | —dx=a+—+ v6i a, b, c 1a cac so nguyén. Tinh M = a—b +c.
VIt tx b c =Y
6
(A)M =35, (B) M =41, (CM=-37. (D) M = -35.

HET

Viet

~

Gv Ths: Nguyén Hoang

)
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J/ J J
Bi16. TINH TICH PHAN - SU DUNG PHUONG PHAP

TICH PHAN TUNG PHAN

A-CAC DANG TOAN THUONG GAP

& Dang 1. Tich phan tirng phén véi "u = da thic"

¢ Vidu 1. Gid tri cta tich phan

4+m 2—n 4—m 247 O
@4 Op=4 =3 ®LT S

xsinxdx bang

O\..Ma

1 =
¢ Vidu 2. ChoI:/ xedx = a-e? +b v6ia,b € Q. Tinh tdng a+ b. £

1 ’ 1 O
= i ©o. D) 1. >

® Li gidi. O

1
. 2 a . i o A
¢S Vidu 3. Biét rang /xcostdx =1 (asin2+bcos2+c), véi a,b,c € Z. Khang dinh nao sau day
0

dung?

®a+b—|—c:1. a—b+c:0. ©2a+b+c:—1. @a+2b+c:1.

® Loi gidi.
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6. TINH TICH PHAN - SU DUNG PHUONG PHAP TICH PHAN TUNG PHAN

Két néi tri thirc véi cude séng

y 4/ J J

> Vidu 4. Bibt =

thic T = a® + b.
(AT =09.

X2 dxzén_
0S~Xx a

Inb, véi a, b 1a cac sb nguyén duong. Tinh gid tri ctia biéu

DT =11

. .2 15 .
<> Vidu 5. Biét /x3ex2dx:—ec +d,v6ia,b,c,d € Z. Tinha+b+c—+d.
a
0

67 65
(A)o. ®) Px = (D) 35.
® Li gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y 4/ J J

& Dang 2. Tich phan tirng phan véi "u = logarit"

3
$> Vidu 6. Biét rang /xlnxdx =mlIn3+nIn2+ p, trong d6 m, n, p € Q. Khi d6 s6 m 1a
2

g. 18. (©o. 2

o Li gidi.

3
$> Vidu 7. Bing cich dit u = Inx, dv = x?dx thi tich phan / x?Inxdx bién ddi thanh két qua nao sau | ‘=
1

L

day? O

SRCI SRCI >

X inx 1 2 X~ Inx . 2 \o

@)= 3/“1’“ 2 3/“1’“ O
1 1 1 1

3 3 3 3 -

3 lnx 1[5 xInx | O

@ 3 +§/xdx. @— 3 —g/xdx. Q

1 1 1 1 -

O

<

® Loi gidi.

4
$> Vidu 8. Biét/ = /xln(Zx—i— 1)dx = gln3 — ¢, trong d6 a, b, ¢ 1a cac sb nguyén duong va g 12 phan
0

s6 toi gian. Tinh S=a+b+c.
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6. TINH TICH PHAN - SU DUNG PHUONG PHAP TICH PHAN TUNG PHAN K&t néi tri thirc véi cude séng

yV J/ J J
‘ (A)S = 60. B s=70. ©s=72. (D) § = 68.

® Loi giai
TR LR E R R R R R R R R RIS
; 1 b
! > Vidu 9. Cho tich phan / n_zx dx = — +aln2 véi a 1a sb thuc va b, c 1a cac s6 nguyén duong, dong
x c
1

b p .
thoi — 1a phan so toi gian. Tinh gia tri cia biéu thic P = 2a+3b+c.
¢
(A)P=6. (B) P=—6. ©Pr=5. (D) P=4.

 Loi gidi.

Gv Ths: Nguyén Hoang Viét

In(x® +3x% +3x —2)

Gt 1) dx =aln2+bIn3 +cInS5, véi a,b,c € Q. Gia

2
$> Vidu 10. Biét tich phan I = /
1

tri ctia biéu thic § = 27a + 81b + 72¢ bing

(A) 7. (B) 41. (©3. (D) 31.

 Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

O b6 C6 Con Puong

?

i

uCdéYCh

ba

No
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6. TINH TICH PHAN - SU DUNG PHUONG PHAP TICH PHAN TUNG PHAN

Két ndi tri thirc véi cude séng

B—BAI TAP TU LUYEN
Cau 1. Tinh tich phin / (4x+3)e*dx
I=3e—1.
Cadu 2. Tinh tich phan I = /(2x+ 1) sinxdx.

0
1:27r+2.

(A)I=3e+1.

@I:2n+1.

dv = e*dx. Két qua nao sau diy ding?

(AT = (2x+1)e*

ng Viét

Ho

c @/xe dx = xe”

l<q) a

(:)) @/xe dx = xe*
<

n

i e

-

= 27

O e

@I = (2x+1)e*
0 Cdu 4 Trong cac dang thifc sau, dang thifc nao ding?

./xe dx = xe*

1

0

1

0

1 1

—/exdx.
0 %

1 1
+2/exdx.
O 9

b b

ot
o

(©1=-3e—1.

@IZZTL’.

(B)I=(2x+1)e"

(D)1= (2x+1)e

@/xe dx = xe*

(©)13.

Cdu 6. Cho tich phan I = / xIn?xdx. Ménh d& nao sau day la dang?

@ [=x2 lnzxﬁ

e
1
@I = Elenzxﬁ +2/x1nxdx.
1
T
Cdu 7. Tinh tich phan / x? cos 2xdx bang cach dit {
0
1 T
@I: —x%sin2x| —
2 0
1 T
@I = —x*sin2x
2 0

1

€
— 2/xlnxdx.

/9
/xsin2xdx.
0

+ 2/xsin2xdx.

@1:1—36.

@I:—Zn

Cadu 3. Tinh tich phéan [ = / (2x + 1)e"dx bing phuong phdp tich phan ting phan, dit u = 2x + 1 va

] 1
—2/exdx.

O %

L1
—/ezxdx.

0 %

p b

/exdx.
+/edx

Cau 5. Bibt ring /xlnxdx — mIn3+nIn2+ p, trong d6 m, n, p € Q. Khi d6 sé m Ia

®5

D)o.

€
1= %lenzxﬁ —Z/xlnxdx.
1

€
1
@I: Elenzxﬁ — /xlnxdx.
1

M=X2

dv = cos2xdx

T
1= %xz sin2x

0

1, _|"
@I:—x sin2x
2 0

. Ménh dé nao dudi day ding?

T
— 2/xsin2xdx.

—l-/xsiandx.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J

m
Cdu 8. Chol = /(Zx — 1)e* dx. Tap hop tit ca cic gia tri ctia tham sb thuc m dé I < m 1a khoang (a;b).
0

Tinh P =a —3b.

(A)P=-3. (B) P=-2. ©pP=-4 D) P=-1.
2
Cdu 9. Biét/ex(Zx—f—ex) dx=a-e*+b-e*+c, véia, b, clacic sé hitu ti. Tinh S=a+b+c.
0

(A)S=—4. B) S=-2. (©)s=2. (D) S =4.
€
Cau 10. Cho /lenxdx: ge3+c—3 véia,b,c,d € Nva 272 1a cdc phan s6 t6i gian. Tinh T = ad — be.
1

A)3. 0. (©)-o. D)o.

(asin2+4bcos2 +c) véi a,b,c € Z. Khang dinh no sau day 1a khang

FN.

1
Cdu 11. Biétrang /xcostdx:
0

dinh dung?

(Aa+b+c=1. B)a—b+c=0. (©2a+b+c=-1. (D)a+2b+c=1.

T

2m

. . -2
Cau 12. Cho s0 hiau ty duong m théa man / xcosmxdx = nT Héi m thudc khoang nao trong céac
0
khoang dudi day?
) (0:3) (1) (57)
—2). 0;— ). ;- ). —= .
® (7 ; © (12 © (32
/ b b
Cdu 13. Gia st tich phan / x-In(2x+ 1)*" dx = a+ — In3. Véi phan sb — t6i gidn. Lic d6
c c

0
(A) b+ c = 6057. (B) b+c = 6059. (C)b+c = 6058. (D) b+c = 6056.

2
Cdu 14. Cho biétI = /ln(9 —x?)dx = aln5+bIn2+c, véi a, b, ¢ 1a cic sb nguyén. Tinh S = |a| + |b| +
1

c]

(A)S =34. B)S=13. (©)s=1s. (D) S =26.

~ 1 1 . A N N A A LA .2
Cau 15. Cho I = /H—nxdx — %o — —, VGi a,b,c 1a cac s6 nguyén duong va I phén so toi gian.
(x+1)2 b c b
1

a+b
p

2 5 1 1

Tinh gid tri cla biéu thiic § =

4
Cdu 16. Biétl = /xln(2x+ 1)dx= gln?) — ¢, trong d6 a, b, c 1a c4c s6 nguyén duong va ;—; 1a phan s t6i

0
gian. Tinh S =a+b+c.

(A)S = 60. (B) S =170. (©)s=12. (D) S =68.
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6. TINH TICH PHAN - SU DUNG PHUONG PHAP TICH PHAN TUNG PHAN K&t néi tri thirc véi cude séng

Cau 17. Cho ham s6 y = f(x) lién tuc va c6 dao ham trén R. Biét f(2) =4 va /f(x)dx = 5. Tinh
0

2
I:/x-f/(x)dx
0
(A)I=1. (B)1=3. ©1=-1. (D)1=0.

3
CdAu 18. Cho ham s6 y = f(x) lién tuc va c6 dao ham trén R. Biét /xf’(x)dx =1,f(3)=1.Tinh I =
0

/f(x)dx.
: (A)1=—4. B 1=2. ©1=4. D)1=-2.

1
(x+1)yvx—xy/x+1’

2
CA@u 19. Cho ham sé f(x) ¢6 f/(x) = Vx>0 va £(1) = 2v/2. Khi d6 / F(x)dx
1

-
:q—,'b?mg

14 10 10 42 10
o) @4\/‘—?. 4\/§+? @4\/‘—?. (D) 4v3+ 55
c
'U - PR ; \/ﬁ a2 b b C
O Cau 20. Biétréng/?»e Fdr= 4+ Je+e(a b cE€R). TihT =a+ -+,

5= 0
c _ _ _ _
- (AT =6. B)T=09. (©T=10. D)T=5.

3
(3)) Cdu 21. Biét /xln(x2 +16)dx=aln5+bIn2 + % trong d6 a, b, c 1a cic sd nguyén. Tinh gia tri clia biéu

2 0
. thicT =a+b+c.
@ AT =2. (B) T =—16. ©7T1=-2 (D) T =16.
. i
> . [In(2si
(1) Céu22. Biét/ n( Slnxjcosx)dx:aln3—bln2+zV(’iia,b,ceQ. Tinh a+b +c.
COS“ X C
0

(A) -5. -3, (©)s. D) 3.

\.\-lk

Cdu 23. Biét rang tich phan / )-In (sinx + cosx) dx = T2 — 2, V6i a,b,c,d 1a cc sd nguyén

b
duong va g,g 12 c4c phan s6 t6i gian. Tinh a + b+ ¢ +d.
A)7. 6. (©)s. D)s.

1

- ) In(2x* +4x+1

Cau 24. Biét tich phﬁnI:/ n(2x"+4x+1)
0

Gt 1) dx = gln7—|—cln2, véi a,b,c € Z va g t6i gian. Gia tri cla

biéu thiic S = a + b + ¢ biang
(A)13. ~13. ©)11. (D) —11.
1
Cdu 25. Biét tich phan /(2x— Din(x* 4+ 1)dx = g —cIn2 trong d6 a,b,c € ZJr b 12 phan s6 tdi gian.

0
Tinh a+b+c.

y J/ J J
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

V J/ J J
(A)7. 12. (©)-17. D) 12.

Co6 Con buong

O Pé

e

Noi Dau Cé Y Chi

L
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7. TICH PHAN HAM AN

Két ndi tri thirc véi cude séng

Hodang Viét

)

Gv Ths: Nguyén

74/133 ‘

Bir7. TICH PHAN HAM AN

A-CAC DANG TOAN THUONG GAP

y J/ J J

2 Dang 1. S& dung tinh chét tinh phan khdng phu thuéc bién

b

b
Tinh chﬁt/f(t)dtz/f(x)dx.

a

4 1
> Vidu 1. Cho / F(X)dx = —1. Tinh gid trj cia I = / F(4x)dx.
0 0

2 5
> Vidu 2. Cho / FO2 + Dxdx = 2, khi d6 / F(x)dx biing
1 2

(A)2. 1. ©-1.

® Ldi gidi.

s

0

(A)2018. 1009. (C)—1009.

1 4
> Vidu 3. Cho / £(x)dx = 2018. Tich phan / F(cos2x) sin2xdx bling
0

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

11 2
4> Vi du 4. Biét/f(x)dle& Tinhl:/x(2+f(3x2—1)) dx.
T

(A)I=5. ®I1=7. (©)1=5. (D)1=10.

(=]

5
4> Vidu 5. Cho f(x) 1a ham s6 lién tuc trén R va thoa f(x* 4+ 3x+ 1) = x+2. Tinh /f(x) dx.
1

37 @ 527 41 464
6 3 4 3

® Loi gidi. ‘0

Noi Pau C

(A)2. ® 4. (©-1. D) 6.

® Loi gidi.

75/133’ B Th.S Nguyén Hoang Viet — @ 0905.193.688 ﬂ




7. TICH PHAN HAM AN K&t néi i thae véi cude séng

Viet

~

Gv Ths: Nguyén Hoang

)

76/133 ’

&> Vidu 7. Cho ham s6 y = f(x) lién tuc trén doan [1;3] théa f(4 —x) = f(x) Vx € [1;3] va
3

3
/ % f(x)dx = —2. Gid i / () dx biing
1 1
(A)2. ~1. (©)-2. D) 1.

® Loi gidi.

& Dang 2. Tim ham f(x) bang phuong phdp ddi bién sé

Ta xét mot trong hai dang sau:
® u( 7)) £ = (o). ® u(f(9) =v0) 7 (0).
$> Vidu 8. (THPT QU6C GIA 2018). Cho ham s6 f(x) thda man f(2) = —% va f'(x) = 2x[f(x))
v6i moi x € R. Gid tri ctia f(1) bing
35 2 19 2
36 3 36 15
® Loi giai

$> Vidu 9. Cho ham s6 y = f(x) nhan gid tri duong, c6 dao ham lién tuc trén (0; +co) thda man f(2) =
1
5V f1(x) + (2x+4) f2(x) = 0, Vx € (0;+<0). Tinh £(1) + £(2) + £(3).

11 7 11 7
1 i3 ®

30 15 30°

y J/ J J

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J/ J J

2 Dang 3. Tim ham £(x) béng phuong phdp dua vé "dao ham ding'

Ta bién d6i biéu thiic chia f£(x) va f/(x) vé mot trong hai dang sau:
@ f(x) - ux)+u' (x) f(x) = v(x) & [u(x) - f(x)] = v(x)
L4y nguyén ham hai vé, ta dudc u(x) - f(x) = / v(x)dx
f(x) - ulx) —u'(x) - fx) f@)]_
® =[] = o
Lay nguyén ham (tich phan) hai vé, ta dudc F®) _ / v(x)dx. g
u(x) !
>
n)]
4> Vidu 10. Cho ham s6 f(x) c6 dao ham lién tuc trén [1;4] thda man f(1) =2 va f(x) =X +1— | ¢
xf'(x). Tinh f(4). O
ul 87 ® 290 O
4 16 4 16 ‘O
o O
® Loi giqi. \O
n)]
O

Ch

Y

6

Noi Pau C

$> Vidu 11. Cho ham sby = f(x) c6 dao ham lién tyc trén [1;2] thda man f(1) =4 va f(x) = xf’(x) —
2x® —3x2. Tinh £(2).

A)s. (B) 20. ©10. D) 15.

® Loi gidi.
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7. TICH PHAN HAM AN K&t néi tri thire véi cuse séng

y 4/ J J

$> Vidu 12. Cho ham sb y = f(x) lién tuc trén R théa man f'(x) +2xf(x) = e VxeRva f(0)=0.
Tinh £(1).

® 51y =¢ f=-3  ©rm=z ©5(1)="=.

)

3. Gid tri ctia [f(1)]? bing

(A)28. (B) 22. Ly (D) 10.

>
O
c
@)
- -
C
<q>,. $> Vidu 13. Cho ham sé f(x) théa man [f(x)]> + f(x) - " (x) =2x> —x+ 1, Vx e Rva £(0) = f'(0) =
-
O
P
(72]
L
—
B
O
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

& Dang 4. Phuong phdp tich phan tirng phén

1 1
> Vi du 14. Cho ham sb f(x) théa mén / (x+1)f (x)dx = 10va 2f(1) — £(0) = 2. Tinh / Fx)dx.
0 0 o’
(A)1=-12. B)1=3. ©1=1. (D) 1=-s. g
L&i ai 2 L. :
& Loi giai a
.................................................................................................. c
o
.................................................................................................. O
.................................................................................................. \o
.................................................................................................. (@)
.................................................................................................. ‘O
.................................................................................................. ay
.................................................................................................. O
.................................................................................................. ‘c
.................................................................................................. O
>
2 1 O
5 Vi du 15. Cho ham sé £(x) lién tuc trén R va £(2) = 16, / F(x)dx = 4. Tinh I — / xf (2x) dx. O
S
0 0
(A) 12. 13. (©)20. D) 7. ‘8
® Loi gidi. IS
2

1
1’ A . 2 ~ 1
$> Vidu 16. Cho ham so f(x) c6 dao ham lién tuc trén doan [0; 1] théa man f(1) =0, /xzf(x) dx = 3

0
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7. TICH PHAN HAM AN K&t néi tri thire véi cuse séng

y 4/ J J

1. (©)3. D) -3.

 Loi gidi.

8
> Vidu 17. Cho ham s6 5 f3) =3 va ) = ——— ¥ >0.Kh'd’/ dr
I o ham s6 f(x) c6 f(3) va f'(x) PR X i do 3 f(x)
bing
197 29 181
7. — —. —

Gv Ths: Nguyén Hodng Viét
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y 4/ J J

$> Vidu 18. Cho ham s6 y = F(x) 1a mot nguyén ham clia ham sb y = f(x) trén [1;4]. Biét F(1) =
4 4
1,F(4) 2va/—F(x) dx = 5. Tinh I /ln(2 +1)f(x)dx
— = 5. = X X .
’ 2x+1
1 1

(A) 10. (B) 31n3 — 10. (C)3In3-5. (D) In3-5.

o Li gidi.

& Dang 5. Phuong phdap ghép binh phuong

b
Ghép céc gid thit, dua vé dang / () — g2 dx & F(x) —g(x) = 0.
a

Noi Pau Cé Y Chi & P6 C6 Con Dudng

6> Vidu 19. Cho ham sb f(x) lién tuc va c¢6 dao ham trén doan [0;1] théa man f(1) = %,
1 1 1
/ 2 4 S 3 37 P P N
/[f (x)] dx:§va/x f(x)dx:@.Tmhtlchphan/[f(x)—l] dx.
’ 1 ’ 1 ’ 1 1
5 I 1o D5

® Loi gidi.
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7. TICH PHAN HAM AN K&t néi tri thire véi cuse séng

Viet

Hodng
| —

guyén

Gv Ths: N

82/133 ’

1
$> Vidu 20. Cho ham s6y = f(x) c6 dao ham lién tuc trén doan [0; 1] théa man f(1) =1, /xf(x) dx=
0

1 1
va / [f ()] dx = §.Tinh tich phan / F(x) dx.
0 0

1 1 4

~
I
W

 Loi gidi.

y 4/ J J
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

uwong

CéConb

O Pé

e

uCdéYCh

ba

No
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7. TICH PHAN HAM AN K&t néi tri thac véi cudc séng

y J/ J J
B—BAI TAP TU LUYEN
4 2
Cau 1. Cho tich phﬁnI:/f(x)dx:BZ. Tinh tich phénJ:/f(Zx) dx.
0 0
(A)J =64, (B)J =38. (©)J =32 (D)J =16.
5 1
Cdu 2. Cho ham s6 f(x) lién tuc trén]RVé/f(x)dx:2018. TinhI:/f(3x—|—2) dx.
2 0
201 201
(A) I =6054. (B) I = 6056. @1:%. @1:%.
3 e
. Inx3
C@u 3. Cho tich phan / F(x)dx = 1. Tinh tich phan I — / /1 2“ ) de
X
0 1
1
(A) ; 9. ©8' D)e.
-
:9.C64B"t2 dx 1t’h41 Vx) dx
ua4. =1, — .
S ié /f(x) in /\/)_Cf( X)
m 1 1 |
g (A)I=4. B I=2. ©1=1. @1:5.
4
O e 1 1 1
:':: Cau 5. Néu / —In?x f(Inx)dx = 5 thi tich phan I = / 2 f(x)dx biing
"0 1 1 o 1
1. - - -
g In2 22
. Cdu 6. Cho ham s6 f(x) lién tuc trén R va théa man /f(ex)dx:4. Khi dé/Lf(x)dxbﬁng
7,3 X
c 0 1
= (A4 B 6. (©)s. D) 2.
> 1 2
O
C@u 7. Cho ham sé f(x) lién tuc trén R thoa man / F(20)de =2, / F(4x)dx = 6.
0 0
2
TinhIz/f(3|x|+2) dx.
-2
@1:?. (B) I=20. @1:?. (D) 40.

4 1

2
CGu 8. Choham sy = £(x) lién tuc trén [0;4] va/f(x)dxz1,/f(x)dx=3.Tfnh1=/f(y3x—1\)dx.
|

0 0

A)I=4. B I=2. @1:%. DI=1.

2 3
Cau 9. Choy= f(x)laham s6 chén, c6 dao ham trén doan [—6;6]. Biét ring /f(x) dx=8va /f(—Zx) dx=
1

-1

6
3.Tinh1:/f(x)dx.
-1

e
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
(A)1=2. B)I=11. (©)1=5. (D)1=14.
1
Cau 10. Cho ham s6 y = f(x) c6 dao ham lién tuc trén [0; 1]. Biét /xf’(x)dx = —% va f(1) = 2. Tinh
0
1
17 +2]ax
0
1 13 1 13
OF Oy 3 3
2
Cau 11. Cho ham s6 y = f(x) c6 dao ham f(x) lién tuc trén [0;2] va f(2) = 3, /f(x)dx = 3. Tinh
0
2
z/xf/(x)dx
0

(A)I=3. B)I1=-3. (©)1=6. D) 1=0.
CQu 12. Cho ham sé f(x) lién tuc trén R va £(3) = 21, / F(x)dx = 9. Tinh [ = / (3x) dx

(A)I=6. B 1=12. @1_ @1:15.
Ca@u 13. Cho ham s f(x) lién tuc trén R va £(2) = 16, /f )dx =4. Tinh I :/4xf’ % dx.

(A)I=12. (B)I=112. @1 28. 0@1_144.

1
CQu 14. Cho ham y = f(x) lién tuc trén R thda mén /f(x— 1)dx =3 va f(1) = 4. Khi 6 /x3f'(x2)dx
0

bing
1 1
A 5 1. (©)-1. D) -5
1011
Cdau 15. Choham sby= f(x) c6 dao ham lién tuc trén R thda man cac diéu kién £(2018) =2 va / f(2x—

2018
4)dx— 1. Tinh I — / X f(x) dx
0
(A) I =4037. I =4036. (©)1=4034. (D) I = 4035.
2
Cau 16. Cho ham s6 f(x) c6 dao ham lién tuc trén [0;2] va théa man /x(f’(x) —1)dx=2f(2). Tinh gia
0

2
tri caa I = /f(x)dx
0
A1 B 2. (©)—1. D) 2.

Cau 17. Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1] va théa man f(0) = 6,
1 1

/ (2x —2)f'(x) dx = 6. Tich phan / f(x)dx c6 gia tri bang
0
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7. TICH PHAN HAM AN K&t néi tri thac véi cudc séng

y J J J
(A) 3. -9, (©)3. D).
CdAu 18. Cho ham s6 f(x) c6 £(7) =15 va f'(x) = x_i_;j_—lxm, Vx > 0. Khi d6 /f(x)dxbﬁng
271 347 287
& ® % & ©7.

T
CdAu 19. Cho ham sb f(x) c6 dao ham lién tuc trén doan [O; g] , théa man /f’(x) cos?xdx =10 va f(0) =
T

3. Tich phan / f(x)sin2xdx bang

0
(A)I=-7. B)I1=13. ©r1=1. (D)1=-13.

2 2
4+ Cau 20. Cho ham s6 f(x) lién tuc trén R va céc tich phan / f(tanx)dx = 4, / * 2f_£x1) dx = 2. Tinh tich
«@D- X

. 0 0

3 @2 B 6. (©)3. D 1.

Cau 21. Cho ham s6 f(x) c6 dao ham va lién tuc trén R thda man f(x* +2x—2) =3x— 1. Tinh I =

z<d) /f

g 135 B 125 105 75
4 4 4 4
g
== Cau 22. Chohamsb f(x )hentuctren]Rvaco/f )dx =2; /f )dx=6.Tinh I = /f |2x—1]) dx
>
O (A)I=6. .1:5. (©1=4. @1——
~ 7z b b
Cau 23. Cho f(x) 1a ham sb lién tuc trén [a; 5] théa man / F(x)dx = 7. Tih I = / Flat+b—x)dx
a a
(A I=a+b+7. B I=a+b-T7. (©I=7—a—b. DiI="1.
Cau 24. Cho ham sd f(x) c6 dao ham lién tyc trén [1;2], ¢6 f(2) = 14 va /@dx:ﬁ Tinh [ =
2
/f’(x)lnxdx.

1
(A)I=14In2—6. (B)I=7In2—6. (C)I=7In2—6. (D)I=14In2+6.

CdAu 25. Cho cdc ham sd f(x) va g(x) lién tuc, c6 dao ham trén R thda man f7(0)- f/(2) # 0 vag(x)- f'(x) =
2
x(x—2)e". Tinh [ = /f(x) - g’ (x)dx.

(A)I=—4. O B I=e—2. (C)1=4. DI=2-c
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

3 1
Cdu 26. Cho ham sb f(x) lién tuc trén R va théa man / sinx- f(cosx)dx = 4. Tinh tich phan / f(x)dx.
0 0

1

@/f(x)dle. /1f(x)dx=4- © [ rwar=2. @/f(X)dx:&
0 0 0

0
1
CAu 27. Cho ham s6 f(x) lién tuc trén [0; 1] théa man 3xf(x*) — f(x) = 9x> — 1. Tinh / f(x)dx.

5 5 1 ’
@5‘ Z' ©Z' @g-

CAu 28. Cho ham sb y = f(x) > 0, Vx € [1;2] va c6 dao ham lién tuc trén [1;2]. Biét f(2) = 20 va

2
/
/f () 4 — In2. Tinh gid tri ciia £(1).
/7o)

(A) f(1) =10. ®) f(1)=20. © r(1)=-10. D £(1)=o0.
Cdu 29. Cho ham sb f(x) xéc dinh, lién tuc va ¢6 dao ham trén R thda man f(x) # 0 v6i moi x € R va
3f/(x) +2f2(x) = 0. Tinh £(1) biét ring £(0) = 1.

1 4 3 2

. b ©: D3
Céu 30. Cho ham s f(x) ddng bién, c6 dao ham dén cp hai trén doan [0;2] va théa man [f(x)]> — f(x) -
770) + [f'(0)]2 = 0. Biét £(0) = 1, £(2) = e*. Khi d6 f(1) bing

Do ®e Q.. ©e
CaAu 31. Cho ham s6 y = f(x) x4c dinh va lién tuc trén R thda man dong thoi cdc diéu kién sau: f(x) #
0,Vx € R, f'(x) = x> f2(x) va £(0) = 2. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f(x) tai diém c6 hoanh
doxo=11a

(A)16x—y—12=0. x+y—3=0. (©12x—y—12=0. (D) 12x—9y—1=0.
CAu 32. Cho ham s6 y = f(x) lién tuc trén khoang (0;+o0). Biét f(1) =1 va f(x) = xf’(x) +Inx, Vx €
(0;4c0). Gid tri clia f(e) bang

(Ae. ®) 1. (©2. @%.

Cadu 33. Choham sby = f(x) c6 dao ham lién tuc trén [1;4] va thda man 2xf’ (x) — f(x) = 2x+/x, Vx € [1;4].

4
Biét riang f(1) =0, tinhI:/@dx.
x
1

= ®1=2 @1:2. @1:?.

3 3
CaAu 34. Cho ham sb f(x) > 0 véi moi x € R, £(0) =1 va f(x) = Vx+1- f/(x) v6i moi x € R. Ménh dé
nao dudi day ding?

(A) F(3) < 2. B)2< f(3) <4 (©)f(3) >6. (D)4 < f(3) <.
CaAu 35. Cho ham sb f(x) thda man f/(x) +2xf(x) = e*f(x) v6i f(x) # 0,Vx va £(0) = 1. Khi d6 | £(1)|
bing

(Ae+1. (B) e= 2. @e—l. (D) et

Cdu 36. Cho ham s y = f(x) c6 dao ham lién tuc trén doan [1;4], ddong bién trén doan [1;4] va théa man

déng thitc x+ 2x- f(x) = [/ (x)]*, Vx € [1;4]. Biét ring f(1) = %, tinh / = /f(x) dx.
1
1186 1174 1222 1201
Wi=—= ®1=—25 ©r=75 D=5

y J/ J J
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7. TICH PHAN HAM AN K&t néi tri thac véi cudc séng

Cau 37. Cho ham sb f(x) c6 dao ham lién tuc trén doan [0; 1] thda man 3£ (x) +xf’(x) = x**18, v6i moi

€ [0;1]. Tinh I = /f(x)dx
0

1 1 1 1
= ———. = ———. = ———. = —c—r—.
@ 2018-2021 2019-2020 @ 2019-2021 @ 2018-2019
1
N 2 1
Cdu 38. Cho ham s0 f(x) c6 dao ham lién tuc trén doan [0; 1] théa man /xzf(x)dx =3 f(1)=0va
0
1 1
/ == Gla tri cia / f(x)dx bang
’ 5 ’ 1 4 7
5 ®-3 ©5 1o
1 1
CdAu 39. Cho ham sb f(x) c6 dao ham lién tyc trén [0; 1] thda man f(1) :0,/ [f’(x)]2 dx =80, /xf(x)dx:
0 0

T 1
«@-

'S —2. Tinh/f(x)dx

O ' 5 5

c —5. = - 5.

O 1 .
:g CdAu 40. Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1] théa man f£(0) = 1, /[f’(x)]zdx =30
“@ 1 ’

:>'f/2 1) f(x)dx = 1Tinh/f()dx

o) X =30 x
Z 0 0

1 5 1l 1 o

» 30° 30° 12 4
= )

S HET

y J/ J J

e
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y J/ J J
BA18. UNG DUNG TICH PHAN - TINH DIEN TICH

HINH PHANG

A-CAC DANG TOAN THUONG GAP

& Dang 1. Hinh phéng giéi han bdi hai dd thi y = f(x) va y = g(x)

® Xacdinh2canx=avax=>b, v6ia < b,

b
@ Dién tich dudc tinh theo cong thiic / |f(x) —g(x)|dx
a

> Vidu 1.
Cho d6 thi ham s6 y = f(x) nhu hinh vé. Dién tich hinh phing (phan gach
chéo) dudc tinh bdi cong thuic nao sau day?

@) /2 f(x)dx. ]2f<x>dx+ /2 f)dx :
) 0 0
@/0f<x>dx+/0f<x>dx. @/lf(X)der/zf(X)dx
2 -2 =) 1
® Loi giai

$> Vidu 2. Dién tich S ctia hinh phang gi6i han bgi dd thi ham s6 y = x?, truc hoanh Ox, cic dudng
thingx=1,x=21a

@S:; S:; ©)s=1. D) 3.

® Loi gidi.

$> Vidu 3. Dién tich hinh phang gi6i han béi cac dudng y =x>,y=4,x=—1,x=21a

(A 4. 33—2 (©o. %.

® Loi gidi.
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG K&t néi tri thirc véi cude séng

y J/ J J

$> Vidu 4. Tinh dién tich S ctia hinh phang gii han bdi dd thi cac ham s6y = 3x%, y =2x+5,x = —1
Var=2 s 269
A)s==2 B s==% (©)s=9 (D) s =27
27 27
® Loi giai

e
0
D
4

/0 | ¢ Vidu 5. Dién tich hinh phang gidi han béi hai dudng thang x = 0, x = 7, d6 thi ham sd y = cosx va
O | truc Oxla

xIT T .7 T P

c @S:/cosxdx. S:/coszxdx. ©S=/|cosx]dx. @S:n/lcosx\dx.
“g 0 0 0 0

: ~ = -2

(0)) ® Loi gidi.

b

B3 T
: ..................................................................................................
6 ..................................................................................................

$> Vidu 6. Tinh dién tich hinh phing gi6i han béi cac dudng y = xv/x2 + 1; x = 1 va truc Ox.
3v2-1 5-v2 2v2-1 5-2v2-1
®¥2-L : CESNNN TS ¥ 2}

® Loi gidi.

$> Vidu 7. Tinh dién tich ctia hinh phang gidi han béi hai dudng y = x> —2x, y = —x? + x.

o 27 9 27w
T T ©3 5

8
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

o Li gidi.

4 Vidu 8. Tinh dién tich hinh phang dugc gi6i han bdi hai do thi (C}) : y =x>+2xva (Cy) : y =x>.

83 15 37 9
D Loi giéi. 'g
n)]
c
.................................................................................................. o)
.................................................................................................. O
.................................................................................................. ‘O
.................................................................................................. O
‘O
-------------------------------------------------------------------------------------------------- m
.................................................................................................. O
.................................................................................................. o
L
$ Vidu9. O
Cho hinh phang (H) nhu hinh vé (phan gach soc). Dién tich hinh phang (H) y >
la ‘O
(A §1n3 - % ®) 1. O
- )
9 9

Z _ Z _ O
©2ln3 4. @21n3 2. 0 =
O
® Loi gidi =

‘ ¢ Vidu 10. ‘
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG K&t néi tri thirc véi cude séng

y 4/ J J

Cho parabol (P) c6 dd thi nhu hinh vé. Tinh dién tich hinh phang gi6i han y
bdi (P) va truc hoanh.

(A)1. ®) 2.
©3 OM 0 \ 2

 Loi gidi.

$> Vidu 11. Biét dién tich hinh phang gi6i han bdi cac dudng y = sinx, y = cosx, x = 0, x = a, V6i

T T 1 2
ac [Z; E] la 5 (—3 +4v2— \/§) Hoi s0 a thudc khoang nao sau day?

® () o) ©a) @0y

 Loi gidi.

)

Gv Ths: Nguyén Hoang Viét
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J/ J J

> Vidu 12. Cho hinh thang cong (H) gi6i han b&i cdc dudng y = e, y = 0, x = 0 va x = In8. Dudng
thang x = k (0 < k < In8) chia hinh (H) thanh hai phan c6 dién tich 12 S va S,. Tim k d€ §; = S5.

@kzlng. (B) k =1In4. @k:§1n4. (D) k = In5.

D Li gidi.

> Vidu 13.
Xét hinh phang (.#) gidi han béi dd thi ham s&y = (x+3)?, truc hoanh y
va dudng thang x = 0. Goi A(0;9), B(b;0) (=3 < b < 0). Tinh gid tri
clia tham s b d€ doan thiang AB chia (#) thanh hai phan c6 dién tich

bing nhau.
. b=—2.

@
CDb:_E' Db=-1.

W | =

® Loi gidi.

O b6 C6 Con Puong

.................................................................................................. h
\ ==
.................................................................................................. c
.................................................................................................. O
.................................................................................................. >
.................................................................................................. ‘O
.................................................................................................. O
-
.................................................................................................. ‘U
n)]
2 -

2 N A - 2 N 2 .. 2, X . N A - 2 N 2

$> Vidu 14. bit S 1a dién tich cta hinh phang giéi han bdi do thi ham s6 y = a lx, duong thang O
- =

y =x— 1 va cdc duong thang x = m, x = 2m (m > 1). Gia trj cia m sao cho S = In3 la

@m:S. B)m=4. ©m=2. @m:3.

® L3i gidi.
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG

Két néi tri thirc véi cude séng

y J/ J J

$> Vidu 15.
Cho hinh phang gidi han bdi cac dudng y = sinx,y =
cosx va S1,S, 1a dién tich clia cic phan dudc gach
chéo nhu hinh vé bén. Tinh $% + S3. 1N
(A)S2+852 =10—-2v2. S "
ST +55=10+2v2.
B ©Osi+s3=11-2v2.
S| Os+s=11+2V2
g o Loi gidi.
0
O
- -
C
«m ..................................................................................................
N
-
@ ) 1P
PR
) it
L
B e e e e e e
6 ..................................................................................................
<> Vidu 16.
Trén mit phang toa dd Oxy, cho phan hinh phing dugc t6 ddm nhu hinh y
bén dudc gidi han bdi mot do thi ham sb da thiic bac ba va mdt dudng >
thang. Dién tich S ctia phan t6 dim d6 bing bao nhiéu? U
(A) S = 8 (dvd). S = 6 (dvdt).
(C)s =2 (dvdt). (D) S = 4 (dvdt).
X
® Loi giai
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

$> Vidu 17.

Cho ham s6 y = f(x) lién tuc trén R va c6 do thi nhu hinh vé bén.

0
. R . 37 14
Biét rang dién tich mién t6 dam bang B va / flx)dx = R Tinh
=

B ef(lnx)
I—I/de.

12 25
> ® 5 ©

OH

o Li gidi.

W | oo

|

Z o
Co6 Con buong
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG

Két néi tri thirc véi cude séng

y J/ J J

$> Vidu 18.
Cho ham s6 y = f(x) c6 do thi y = f/(x) cat truc Ox tai ba diém y
c6 hoanh d6 a < b < ¢ nhu hinh vé. Ménh dé nao dudi day la
ding?
D) 1) > £(6) > f(a). f(b) > f(a) > f(0).
©r@>r@>50). O f)>fla) > fB) .,
a \ b c \ X
® Loi giai
Py
O
D
)
c
IU ..................................................................................................
O
- -
«qc, $> Vidu 19.
; (THPT Quoc gia nim 2019). Cho dudng thang y = x va parabol y = 1,
1 ) X _lay
O Exz + a (a la tham so thuc duong). Goi S; va S lan lugt la dién tich cua y YTt e
= hai hinh phing dugc gach chéo trong hinh vé du6i day. Khi S| = S, thi a A
o | thudc khodng nao dudi day?
L 31 1 12 23
S| ®G) @) ©G3) @G3)
S 72 3 3°5 57
o B}
Si >> X
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J/ J J

> Vi du 20.

) ) 1
(THPT Quoc gia nim 2018). Cho ham s f(x) = ax® + bx> +cx — 3 y

va g(x) = dx* 4 ex+ 1. Biét ring dd thi ham s6 y = f(x) va y = g(x) cit
nhau tai 3 diém c6 hoanh d6 1an lugt 1a —3; —1; 1. Hinh phéang gi6i han

b&i hai d6 thi da cho bing | CC»
9 |
® ®  © 0 5 WRE:

® Li gidi.

?

Chi O b6 C6 Con bu

>
‘O
O
- |
)
)
O
& Dang 2. Hinh phéng giéi han bdi nhiéu hon hai db thi ham sé =
$> Vi du 21.
Tinh dién tich ctia hinh phang dudc gidi han bdi d6 thi ham sd y A
y =" > va cic duong thang y = 2, y = —2x — 4 (nhu hinh
X
v€ bén) 9
1
e 3In3—2.
5 1
(©—>+3m2. (D) - +3In2.
4 4
6 -4 -2 0 2 X
-2
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG K&t néi tri thirc véi cude séng

Gv Ths: Nguyén Hodng Viét

98/133 ’

® Loi gidi.

$> Vidu 22. Dién tich S ctia hinh phang gi6i han bdi do thi cac ham sb y = x va y = €%, truc tung va
dudng thang x = 1 dudc tinh theo cong thiic nao dudi day?
1

@S=/|ex—1|dx. S:/l(ex—x)dx. ©S=/1(x—ex)dx. @S:/l|ex—x|dx.
0 0 0 —1

$> Vidu 23. Dién tich hinh phang gii han bdi db thi ham sb y = |x — 1| va niia trén cta dudng tron
x*>+y* =1 bing

m_1 ® ! @g—l. @g—l.

4 2

y 4/ J J

B Th.S Nguyén Hoang Viet — 80905.193.688 ﬂ



Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J

& Dang 3. Toa dé hod mét sé "md hinh" hinh phéng thuc té

$> Vidu 24. Mot manh vuon hinh elip ¢6 truc 16n bang 100 m, truc nhd bang 80 m dudc chia thanh
2 phan bsi mot doan thang ndi hai dinh lién tiép cta elip. Phan nho hon trdng cdy con va phan 16n hon
trong rau. Biét 16i nhuan thu dugc 1a 2000 mbi m? trdng cdy con va 4000 mdi m? trong rau. Hoi thu nhap
tif c& manh vuon 12 bao nhiéu? (Két qua 1am tron dén hang nghin).

(A) 31904000. 23991000. (C) 10566000. (D) 17635000.

® Loi gidi.

.................................................................................................. >
.................................................................................................. \O
.................................................................................................. O
.................................................................................................. -
O
> Vidu 25. G_)
Mot ngudi c6 manh dit hinh tron c6 ban kinh 5 m. Ngudi nay tinh trong o)
cay trén manh dat d, biét mdi mét vuong trong cdy thu hoach dugc 100 a A =
nghin. Tuy nhién, cin c6 khoang trong dé dung choi va d6 ding nén
ngudi nay cing sdi ddy 6 m vao hai ddu mit diy ndm trén dudng tron 2
xung quanh manh dit. Hdi ngudi nay thu hoach dugc bao nhiéu tién?
(Tinh theo don vi nghin dong va bd sb thap phan). 2 |4
(A)3722. 7445
(C)7446. (D) 3723. B

® Loi gidi.
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG Ké&t néi tri thie véi cude séng

y J/ J J

> Vidu 26.

Mot vién gach hoa hinh vudng canh 40 cm. Ngudi ta da ding bdn dudng parabol c6
chung dinh tai tim clia vién gach dé tao ra bdn canh hoa (phan t6 dim nhu hinh vé).
Dién tich ctia mdi canh hoa d6 bing

200 cm?. 800 cm?. 400 cm?. 200 cm?,
@ 3 3

3

* -—>
fq_)' 40 cm
>
o ® Loi gidi.
c
1 @ TS
O
I
R PREE
U - e e
>
: ..................................................................................................
)
Z ..................................................................................................
O
L
o e e e e e e e e e e e e
6 ..................................................................................................
4 Vidu 27.
Mot chiéc cdng c6 hinh dang 1a mot Parabol c6 khoang cach gitta hai
chan cong 1a AB = 8 m. Ngudi ta treo mot tAm phong hinh chit nhat
c6 hai dinh M, N nam trén Parabol va hai dinh P, Q nam trén mat dat M N
(nhu hinh vé). O phan phia ngoai phong (phan khong to den) ngudi ta
mua hoa d€ trang tri v6i chi phi 1 m? cin sb tién mua hoa 1a 200.000
dong, biét MN = 4 m, MQ = 6 m. Hoi sb tién mua hoa trang tri chiéc
cOng gan vdi s6 tién nao sau day?
(A)3.373.400 ddng. 3.434.300 ddng. | .
(C)3.437.300 déng. (D) 3.733.300 déng. 0 P

® Loi gidi.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi i thare véi cude séng

y 4/ J J

O
.................................................................................................. C
.................................................................................................. Q
a
4 Vi du 28. .
Mot bién quing cdo c6 dang hinh elip v6i bon dinh Aj, As, By, B, o)
B nhu hinh vé bén. Biét chi phi son phan t& dam 1a 200.000 (@)
ddng/m? va phan con lai 1a 100.000 ddng/m?>. Hoi s6 tién d€ son M \O
theo cach trén gﬁn nhét véi s6 tién nao dudi day, biét AjA> =8 m, O
By = 6 m va ti gidc MNPQ la hinh chtt nhat c6 MQ = 3 m. Ay As \0
(A)7.322.000 déng. 7.213.000 déng. Q
(C)5.526.000 déng. (D) 5.782.000 déng. 5 ¥ O
B ‘c
O
® Loi gidii -
‘O
.................................................................................................. O
.................................................................................................. 3
.................................................................................................. O
.................................................................................................. m
.................................................................................................. O
2
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG K&t néi i thae véi cude séng

y 4/ J J

Nguyén Hodng Viét

Gv Ths
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

V' J J J
B-BAI TAP TU LUYEN
Cdu 1. Hinh phang gidi han bdi cac dudng y =x>+1, y =0, x =0, x = 1 ¢6 dién tich bing
5 7 4 3
w3 ® 7 ©5 Ot

CAu 2. Dién tich hinh phang giéi han bsi dd thi ham s6 y = cosx, truc tung, truc hoanh va dudng thing
x = 7 bing

A)2. B 3. ©n. D)4

Cau 3. Cho d6 thi ham s6 y = f(x). Dién tich S ctia hinh phang (phan gach trong hinh) la
1 4
Ws= [ rwart [ f@ax :
-3 1

S = ]3f(x)dx+/4f(x)dx.
0 0

@S:/Of(x)dx+/0f(x)dx.
-3 4

DS = /4f(x)dx.
-3

Cdu 4. Dién tich hinh phang gidi han béi cac dd thi ciia cac ham sé y = x> vay =x la
1 5 1 T
w2 ® . ©-z D=
CdAu 5. Tinh dién tich S ctia hinh phang gidi han bdi dd thi ham s6 y = —x + 3x> — 4 va truc hoanh.
27 27r
@S:T S:T. (C)s=4. D)s=1.

Cau 6. (TN-2020). Dién tich hinh phang gi6i han bdi hai dudng y = x> —4 va y = 2x — 4 bing

(A) 36. g. in (D) 367

3
CAu 7. Tinh dién tich S ctia hinh phang (H) gi6i han bdi cac duong cong y = —x> + 12x vay = —x°.
937 ® 343 793 397
12° 12° 4 4

Cdu 8. Dién tich S ctia hinh phang gidi han bdi dd thi ham s6 y = x>, y = x> bang
1 1
Bs=1. ®s-2 ©s=¢ ®s=3.

Cdu 9. Biét dién tich hinh phang gidi han bdi dd thi ham s6 y = 3x? + 2mx + m? + 1, truc hoanh, truc tung
va dudng thing x = /2 dat gid tri nhé nhit. Ménh dé nao sau diy ding?

(A)me (—4;—1). (B) me (3;5). (C)me (0:3). (D)me (-2;1).

CaAu 10. Cho do thi ham sb y = f(x) nhu hinh v& bén. Dién y
tich phan hinh phang gidi han bsi db thi ham s6 y = f(x) vé6i
truc Ox nam phia trén va phia dudi truc Ox 1an luot 1a 3 va 1.

3
Khi d6 / f(x)dx biang

@2_.2 —2, (©)3. D) 4.
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG Ké&t néi tri thie véi cude séng

y J/ J J

CdAu 11. Cho do thi ham sb f(x) trén doan [—2;2] nhu hinh vé bén. Biét y

2
rang dién tich §; = S» =2 va S3 = 6. Gia tri ctia tich phan I = / f(x)dx
-2
la
A)I=4. B®rI1=2 (©1=10. (D)1=3. » S5\

-2 o 2X

1 va cac truc toa do la

Cau 12. Dién tich hinh phang gidi han bdi do thi (H): y = x+
X
(A)In2—1. In2+1. (C©)2mn2-1. (D)2In2+1.

Cdu 13. Dién tich hinh phang dudc gidi han béi do thi ham sb y = xi
x

la

‘@ (A)3+m2. 3—In2. (C)3+2n2. (D)3—2In2.

= Cau 14. Cho (H) 12 hinh phing gidi han béi cac dudng y = v/2x; y = 2x — 2 va truc hoanh. Tinh dién tich
phang g gy y

O)cua (H).

c 5 16 10 8

- CaAu 15. Tinh dién tich S ctia phan hinh phang gidi han bdi hai dd thi ham s y =x> —3x? vay = x>+ x—

1 .
> truc hoanh va duong thang x = 2

4.
0 ®s=2. w@s-E ©s-Y ©s-%
-
g Cdu 16. Cho (H) 1a hinh phing gii han béi dudng cong y
Y= \/x va nlta dudng tron c6 phuong trinh y = v/4x — x% (v6i
¢ 0 < x < 4) (phan t6 ddm trong hinh vé). Dién tich ctia (H) Y= R
-C bb
= Dang

4w +15V/3 87 —9v/3
o BT 6

© 10 —9+/3 ® 107 — 15/3
6 6 0l 47

Cau 17. Dién tich S ctia hinh phang gi6i han bdi d6 thi ham s6 y = /x, truc hoanh va dudng thang y = x —2

Ia
@5:13—6. 5:13—0. (©)s=2. @S:%.

CdAu 18. Cho ham s6 y = f(x) c6 dao ham f’(x) lién tuc trén doan [0;5] y
va do thi ham s6 y = f’(x) trén doan [0;5] dugc cho nhu hinh bén. Tim I
ménh dé ding /\
(W) £(0) = £(5) < f(3). £(3) < £(0) = £(5). 0 35
©£(3) < £(0) < (5). D) £(3) < £(5) < £(0).
-5
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J J J
Cau 19. Tinh dién tich hinh phang gidi han bdi dd thi (P): y = x> —4x+ 5 va cic tiép tuyén cta (P) tai

A(1;2) va B(4;5)

®° ® ©3. OH

Cau 20. Cho d6 thi ham s6 y = f(x). Dién tich S ctia hinh phang (phan t&
dam cua hinh vé duéi) la
3

@S:if(x)dx. S:/Of(x)dx+/f(x)dx. )
5 -2

[

///////

3 0

<Ds=]}@w+/ﬂmw. <Ds=jﬂww+/ﬂmm.
0 -2

0 3

Cdu 21. Dién tich mién hinh phang gidi han béi cic duong y =2, y= —x+3,y=1bin
phang g g g

A L3 ® L1 ©-L 41 ® L +2

In2 In2 2 In2 In2

Cau 22. Ong An mubn lam cita rao sit ¢6 hinh dang va kich thuéc nhu hinh vé bén, biét dudng cong phia
trén 12 mot dudng parabol. Gid 1 mét vudng ctia rao sit 1a 700.000 dong. Hdi 6ng An phai tra bao nhiéu tién
dé 1am cai clia sat nhu vy (lam tron dén hang phan nghin)?

S5m

(A) 6.620.000 dong. 6.320.000 déng. (C)6.520.000 dong. (D) 6.417.000 dong.

Cdu 23. Cho ham s f(x) lién tuc trén R. Do thi ham s6 y = f'(x) y

. 5 5
dugc cho nhu hinh vé bén. Dién tich hinh phang (K), (H) lan lugt 1a 7

) 1
va 2 Biét f(—1) = l—g, tinh £(2).

1o)== ® 1)
©r@)=3. D £(2)

2
3

0.

Cau 24. Cho hai ham s6 f(x) = ax® +bx*> +cx — 1 va g(x) = dx* + ex +

1 L R 2 .
5 (a,b,c,d,e € R). Biét rang do thi cia ham s6 y = f(x) vay = g(x) cat

nhau tai ba di€ém c6 hoanh dd 1an lugt —3; —1;2 (tham khao hinh vé). Hinh
phang gi6i han béi hai db thi da cho c6 dién tich bang

253 125
w5 O
253 125
3 43
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8. UNG DUNG TICH PHAN — TINH DIEN TICH HINH PHANG

Két ndi tri thirc véi cude séng

Cau 25. Trong mit phang toa do Oxy, cho parabol (P): y = x> va hai dudng
thang y = a, y = b (0 < a < b) (hinh v& bén). Goi S; 1a dién tich hinh phang
gii han béi parabol (P) va dudng thang y = a (phan gach soc); S5 1a dién tich
hinh phang gidi han béi parabol (P) va dudng thang y = b (phan chim bi). V6i
diéu kién nao cia a va b thi S| = S,?

(A) b= V/4a. (B) b= 2a.
(©)b = V/3a. (D) b = V/6a.
Cdu 26.

[thm]Cho ham sb y = f(x) lién tuc trén R c¢6 dd thi ham y = f’(x) nhu hinh vé&

bén. Dit g(x) = 2f(x) — (x — 1)%. Ménh d nao dudi day ding?
min g(x) = g(1). max g(x) = g(1).
[-3:3] [-3:3]
@ max g(x) = g(3). @ Khong ton tai min g(x).
[-3:3] [-3:3]
r—
«@-
>
(@)
c
~ 2 3 2z
'8 Cdu 27. Cho duong thang y = 7% va parabol y = x> +a ( a la tham s6 thuc

L duong). Goi S1,S, 1an ludt 1a dién tich hai hinh phang dudc gach chéo trong hinh
£ vé bén. Khi S| = S5 thi a thudc khodng nao dudi day?

“0’ 19 279
> ®(37) ® (Si3p)
O 9 1 2
2 ©(w%) ® (0:3)
Pn
=
~ Cau 28. Choham sy = f(x) c6 dd thi y = f'(x) cit truc Ox tai 3 di€m c6 hoanh
(H dda<b < cnhu’ hinh v&. Ménh dé nao duéi day dung"
A fla >f() ®) f(e) > f(b) > f(a).
ONC > f(b). @f<b>>f<a>>f<c>.

y:x2+a 3
yu y=3Xx
Sty
X
y
0] X
ay b c\

CAu 29. Cho db thi (C) ctia ham s6 y = x*> — 3x* + 1. Goi (d) 1a tiép tuyén ctia (C) tai diém A c6 hoanh

do x4 = a. Biét dién tich hinh phang gidi han béi (d)

a2—2a:0.

nao?

(A)2d>—2a—1=0. (©d*—a-2=0.

X s 27 s g .
va (C) bang - cée gid tri clia a thda man dang thic

(D)a*+2a—3=0.

Cau 30. Cho ham sb y = x? ¢6 d thi 1a (P), trén (P) c6 hai diém A, B véi hoanh do 1an lugt 12 a, b. Biét
ring AB = 31/2 va dién tich hinh phéng tao bdi (P) véi duong thang AB bing /6. Gia tri ciia a® + b* 1a

(A) 4. 10. (©)s.

D)s.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
Bi19. UNG DUNG TICH PHAN - TINH THE TICH VAT
THE, KHOI TRON XOAY

A-CAC DANG TOAN THUONG GAP

& Dang 1. Tinh thé tich vat thé khi biét dién tich mét cét vuéng géc véi Ox

$> Vidu 1. Vat thé B gi6i han bdi mit phang c6 phuong trinh x = 0 va x = 2. Cét vat thé B véi mit
phang vudng géc véi truc Ox tai diém c6 hoanh do bing x, (0 < x < 2) ta dudc thiét dién c6 dién tich
bing x?(2 — x). Thé tich ctia vat thé B 1a

$> Vidu 2. Tinh thé tich V ctia vat thé ndm gita 2 mit phang x = 0,x = 3, biét thiét dién ctia vat thé bi
cit bdi mit phang vudng géc véi truc hoanh tai diém c6 hoanh do x (0 <x < 3) 1a mdt hinh chit nhét c6
hai kich thudc 1a x va 2v/9 — x2.

AV =16. ®v=17. ©v=1s. DV =19.

® L3i gidi.

$> Vidu 3. Xét vit thé (.7) nam giita hai mit phang x = —1 va x = 1. Biét rang thiét dién ctia vat thé
cit bi mit phang vudng goc véi truc Ox tai diém c6 hoanh do x (—1 <x<1) lamdt hinh vudng c6 canh
2v/1 — x2. Thé tich vat thé (.7) bing

16 16 8
lon o ©r $

® Loi gidi.
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9. UNG DUNG TICH PHAN — TINH THE TICH VAT THE, KHOI TRON XOAY K&t néi tri thirc véi cude séng

Viet

Hodng

guyén

GvThs: N

108/133 ’

$> Vidu 4. Tinh thé tich V ciia phan vat thé gi6i han bdi hai mit phang x = 0 va x = 3, biét rang thiét
dién ctia vat thé bi cat béi mit phang vudng géc véi truc Ox tai diém cé hoanh do x (0 < x < 3) 1a mot
hinh tron c6 dudng kinh bang /36 — 3x2.

Av =37 V:%l. ©)v =8ln. D)V =s1.

® Loi gidi.

& Dang 2. Tinh thé tich cla khéi tron xoay khi cho hinh phéng quay quanh truc Ox

$> Vidu 5. Thé tich khéi tron xoay sinh ra khi quay hinh phing gidi han bdi do thi cdc ham s6 y =
x% —2x,y=0,x=—1, x =2 quanh truc Ox bing
167 ® 171 187 5w
5° 5° 5° 18°
o Loi gidi.

$> Vidu 6. Thé tich ctia khdi tron xoay tao thanh khi quay hinh phang D gidi han bdi cic dudng y =
v/x— 1, truc hoanh, x = 2, x = 5 quanh truc Ox bing

@n/S\/ledx. n/s(x—l)dx. @n/s(szrl)zdx. @/S(x—l)dx.
2 2 2 2

® Loi gidi.

$> Vidu 7. Cho hinh phing (H) gi6i han bdi dd thi y = 2x — x? va truc hoanh. Tinh thé tich V vt thé
tron xoay sinh ra khi cho (H) quay quanh Ox.

4 4 16 16

 Loi gidi.

y J/ J J

e
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y 4/ J J

$> Vidu 8. Thé tich vat thé tron xoay gi6i han bdi cic dudng y = /x - e, truc hoanh va duong thang
x = 1 khi quay quanh Ox la

BE(2+1), ®Z(2-1). ©3(2-1). D)3 (+1).

o Li gidi.

$> Vidu 9. Cho ham s6 y = f(x), y = g(x) xdc dinh va lién tuc trén doan [a;b] (c6 dd thi nhu hinh vé). | O
Goi H 1a hinh phiang dugc t6 dam trong hinh, khi quay H quanh truc Ox ta thu dugc khdi tron xoay c6 thé pd

tich V. Tim ménh dé diing trong cdc ménh dé sau day
b

@V = [ 1) - g e )

® Loi gidi.
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9. UNG DUNG TICH PHAN — TINH THE TICH VAT THE, KHOI TRON XOAY K&t néi tri thirc véi cude séng

y 4/ J J

$> Vidu 10. Tinh thé tich khéi tron xoay sinh ra khi quay quanh truc Ox hinh phang gi6i han béi hai
ddthiy=x>—4x+6,y= —x> —2x+6.

@37& ® -1 @n @27:.

® Loi gidi.

¢ Vidu 11. Thé tich vat thé tron xoay sinh ra khi hinh phéng gi6i han béi cdc dudng x = /3, y =
—x+2, x = 0 quay quanh truc Ox c6 gia tri 1a két qua nao sau day?

@V:ln. B v==zm @Vz%n. @V:%n.
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y 4/ J J

$> Vidu 12. Thé tich ctia khéi tron xoay khi cho hinh phang gi6i han bdi parabol (P): y = x? va dudng
thang d: y = x xoay quanh truc Ox bing

1 1 1 1
@n/xzdx—n/x4dx. '3 n/xzdx+7r/x4dx.
0 0 0

0
1 , 1
©E/<x2—x) dx. @ﬂ:/‘xz—x‘dx.
0 0
® Loi giai (o))
c
.................................................................................................. 0
.................................................................................................. >
.................................................................................................. 6
c
.................................................................................................. o
.................................................................................................. (@)
.................................................................................................. o)
.................................................................................................. O
‘O
N
.................................................................................................. O
2 N 2 \ -
¢ Vidu 13. Cho hinh phang (S) gidi han bdi do thi cdc ham s0 y = 1/x, y = —x va x = 4. Quay hinh |
phang (S) quanh truc Ox ta dugc khdi tron xoay c6 thé tich bang O
43 B 3o d0m din >
2 3 3 3 O
® Loi giai (:),
.................................................................................................. O
.................................................................................................. m
.................................................................................................. O
P
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9. UNG DUNG TICH PHAN — TINH THE TICH VAT THE, KHOI TRON XOAY K&t néi tri thirc véi cude séng

y 4/ J J

$> Vidu 14. Ki hiéu (H) 1a hinh phang gi6i han béi d6 thi y = x> — ax véi truc hoanh (a # 0). Quay
2 o 16
hinh (H) xung quanh truc hoanh ta thu dugc khdi tron xoay c6 thé tich V = 1—ﬂ Tim a.

(A)a=-3. B a=-2. (©a=2. S@a:j:Z.

® Loi giai
e
() D R R
PP
) TP
c
QB T
O
SRR
c
Q) T
DN e e e e e
-
m ..................................................................................................
D
7S
L
e
6 ..................................................................................................
¢ Vidu 15.
Cho ham bac hai y = f(x) c6 dd thi nhu hinh vé bén. Tinh thé tich khdi tron y
xoay tao thanh khi quay hinh phang gi6i han béi do thi ham sb y = f(x) va Ox 1o
quanh tryc Ox. !
in 5 4 167 167 :
3 5° 15" 5 9 1 \x
® Loi giai
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y J/ J J

> Vidu 16.
N . sy 2, X . N A \/§ 3 N
Cho hinh (H) gi6i han bdi do thi ham s6 y = g %> cung tron

¢6 phuong trinh y = v/4 —x2 (v6i 0 < x < 2) va truc hoanh (phan
t6 dam trong hinh vé&). Biét thé tich cta khdi tron xoay tao thanh

khi quay (H) quanh truc hoanh 1la V = (_%ﬁ + 2) 7, trong do

a,b,c,d € N* va %’2 12 c4c phan sb tbi gian. Tinh P =a+b+c +

d.
(AP=52. (B P=40. (C)P=46. (D)P=34.

® Loi gidi.

2 Dang 3. Toa dé héa mét sé bai todn thuc té

$> Vidu 17. Mot binh cim hoa dang khbi tron xoay, biét ddy binh va miéng binh c6 dudng kinh lan
lugt 12 2 dm va 4 dm. Mit xung quanh ctia binh 12 mdt phan clia mit tron xoay c6 dudng sinh 1a dd thi
ham s y = v/x — 1. Tinh thé tich binh cdm hoa dé.

(A) 87 dm?. 17 ym2. © 127 g, ©® 27 gms.

2 3 2

® Loi gidi.

Noi Dau Cé Y Chi

113/13?’ B Th.S Nguyén Hoang Viet — @ 0905.193.688 ﬂ




9. UNG DUNG TICH PHAN — TINH THE TICH VAT THE, KHOI TRON XOAY K&t néi tri thirc véi cude séng

y 4/ J J

$> Vidu 18.

Dé chuin bi cho hoi trai do Poan truong t6 chic, 16p 12A du dinh
dung mot cai 1éu trai ¢ dang hinh parabol nhu hinh vé. Nén ctia
1éu trai 12 mot hinh chit nhat c6 kich thuéc bé ngang 3 mét, chiéu
dai 6 mét, dinh trai cach nén 3 mét. Tinh thé tich phan khong gian
bén trong 1éu trai.

(A)72. 36.
(©) 727, (D) 367

® Loi gidi.

Viét

ang

~

Nguyén Ho

‘ $> Vidu 19. ‘
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y J/ J J

Ngudi ta cat hai hinh cau c6 ban kinh 1an ludt 1a R = 13 cm va r = V41 =
cm dé€ 1am ho 16 dung rudu nhu hinh vé bén. Biét dudng tron giao ctia hinh !
cu c6 ban kinh 7 = 5 cm va niit dung rugu 12 mot hinh tru ¢6 ban kinh

ddy bang v/5 cm, chiéu cao bing 4 cm. Gia st d6 day vo hd 16 khong dang

ké. Hoi ho 16 dung dugc bao nhiéu lit rugu? (két qua lam trong dén mot

chit s6 thap phan sau diu phiy).

(A)9.5 lit. 8,2 lit.
(©) 10,2 1it. (D) 11,4 lit.

® Loi gidi.

<o Vidu 20.
Mot thung dung rudu lam bang gb 1a mot hinh tron
xoay (tham khao hinh bén). Ban kinh cac ddy 1a 30 cm,
khoang cdch gifta hai ddy 1a 1 m, thiét dién qua truc
vudng géc vdi truc va cach déu hai ddy c6 chu vi 1a 807
cm. Biét rang mit phing qua truc cit mit xung quanh
ctia binh 1a c4c dudng parabol. Thé tich ctia thiing gin
v6i s6 nao sau day?

@ 4252 (lit). 284 (lit).

(C)212,6 (li). (D) 142,2 (li).
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y 4/ J J

: Nguyén Hodng Viét

Gv Ths
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
B-BAI TAP TU LUYEN

Cau 1. Thé tich khéi tron xoay sinh ra khi cho hinh phing (H) gi6i han béi cic dudng y = x\/x;y = 0;x =
0;x = 1 xoay quanh truc Ox la

1 T 27 T
@Z. Z. ?. @5.

Cau 2. Cho hinh phiang (H) gidi han bdi dd thi ham sb y = —x? + 3x — 2, truc hoanh va hai dutng thing
x = 1,x = 2. Quay (H) quanh truc hoanh dudgc khbi tron xoay c6 thé tich 1a

@V:/z)xz—3x+2‘dx. Vz/z‘xz—3x+2‘2dx.
1 1

2

2
@vzn/(x2—3x+2)2dx. @Vzn/‘x2—3x+2’dx.
1

1

Py 2 . o . < < v/ 2, . 2 .
Cadu 3. Cho hinh phang (H) gidi han bdi cac dudng y = cosx,y =0, x=0vax = 5> Thé tich vét thé tron
xoay c6 dudc khi (H) quay quanh truc Ox bing

B o G OFS

CdAu 4. Thé tich khdi tron xoay tao thanh khi quay hinh phang gidi han bdi dd thi ham s6 y = e* va céc
dudng thang y = 0; x = 0 va x = 1 dudc tinh bdi cong thifc nao sau day?
1 1 1 1

@V:/ezxdx. V:n/exzdx. @V:/CXde. @V:n/ezxdx.

0 0 0 0

CAu 5. Thé tich khbi tron xoay dudc tao thanh khi quay hinh phang gi6i han bdi db thi ham sb y = 3x — x2
va truc hoanh, quanh truc hoanh.

@) 811—0” (dvtt). # (dvto). © 87” (dvtt). D) ?—0” (dvtt).

CAu 6. Thé tich V ctia khbi tron xoay do hinh phang gi6i han bdi cac duong y = xv/x2 + 1, truc hoanh va
duong thang x = 1 khi quay quanh truc Ox la
9 R4 8 o
@V—E. V—E. @V—E. @V—E.
Cdau 7. Xét (H) 1a hinh phang gi6i han bdi do thi ham s6 y = 2x + 1, truc hoanh, truc tung va dudng thing
x=a (a>0). Gid tri clia a sao cho thé tich ctia khbi tron xoay tao thanh khi quay (H) quanh truc hoanh bing
57w la

@a:?). a:5. @a:4. @a:2.

Cdu 8. Tinh thé tich ctia vat thé tron xoay khi quay hinh (H) quanh truc Ox véi (H) dugc gidi han bdi do
thi ham s6 y = v/4x — x2 va truc hoanh.
3im 9 32n 34n 35w
3 3 3 3
CAu 9. Tinh thé tich ctia khdi tron xoay khi quay hinh phang gi6i han bdi cac duong y =x*> —4, y =2x—4,
x =0, x =2 quanh truc Ox.
32n 9 32n 32r 227

7 5° 15° 5°
- : < o . pe AA s 4 2 ) o
Cau 10. Goi (H) la hinh phang gidi han bdi do thi (C): y = — va duong thang (d): y = 5 —x. Tinh thé tich
X
V clia khéi tron xoay tao thanh khi quay hinh (H) xung quanh truc hoanh.

(A)V =51z (B)V =33 (©)V =o9x. (D)V = 18x.
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9. UNG DUNG TICH PHAN — TINH THE TICH VAT THE, KHOI TRON XOAY

Két ndi tri thirc véi cude séng

Cﬁlll 11. Cho hinh phing A gi6i han bdi do thi clahamsdy =/xva
y=5x (phan t6 dam trong hinh vé). Tinh thé tich V khdi tron xoay tao
thanh khi quay hinh A xung quanh truc Ox. D)

BV = gﬂ. V= gn ©v=0533. DV=053m ye @/%5”%/1/”

///////

//////
/////
Z

y J/ J J

CAu 12. Tinh thé tich ctia khdi tron xoay dudc tao thanh khi quay hinh phang
(H) (phdn t6 mau den trong hinh bén) quanh truc Ox.

olx ® 387
5 .
8 4247
5° 15 °

g Viét

Cdu 13. Cho vit thé dudc gidi han bdi hai mit phang x = 1, x = 3. Cit vat thé da cho bdi mit phang vudng

¢ gbc véi truc Ox tai diém c6 hoanh do bang x, 1 < x < 3 ta dugc thiét dién c6 dién tich bang 3x 4 2x. Thé tich

/0 cia vat thé da cho 1a

:? (A)V =42r. BV =42 (©V =34,

«() CaAu 14. Thé tich V ciia vat thé gi6i han bdi hai mit phang vudng goc véi truc Ox

Cau 15. Cho vit thé c6 mit ddy 12 hinh tron c6 ban kinh bang 1 (hinh vé).
Khi cit vat thé bdi mit phang vudng géc véi truc Ox tai diém cé hoanh do
x (—1 < x < 1) thi dugc thiét dién 1a mot tam gidc déu. Tinh thé tich V ctia
vat thé do.

(A)V = /3. (B)V =3V3.
@V:%ﬁ. D)V =m.

2

(D)V = 34nr.

tai x = 1,x =2 va c6 thiét

;‘ dién tai x (1 < x < 2) 1a hinh chi nhat c6 canh 1a 2 va v/2x+ 1 va dudc cho bdi cong thic nao sau day?
m 2 2

pd @V:n/(8x+4)dx. V:ﬂ/2\/2x+1dx.

.. 4 1

E 2 2

'; @V:/(8x+4)dx. @V:/2\/2x+ldx.

0} 1 1

Cau 16. Cho hinh phing D gidi han bdi d6 thi cac ham sb y = %, y = v/2x. Khéi tron xoay tao thanh khi

quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?

@V:%Tﬂ. ®v=2" @V:%’r.

5

361
Dv =75
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y J/ J J

- 2 e A < n —
Cau 17. Cho hinh phang (H) gi6i han béi 1 duong tron tim O ban kinh

bing 2, dudng cong y = v/4 —x va truc hoanh (mién gach soc nhu hinh
vé). Tinh thé tich V ctia khbi tron xoay khi cho hinh (H) quay quanh truc

Ox.
@V:WT”. ®v=2"" ©v="" ov=2Z

6 6 3
Cdu 18. Hinh vudng OABC c6 canh bing 4 dugc chia thanh hai phan

1 R 2
bdi dudng cong (C) c6 phuong trinh y = sz. Goi S; 1a phan hinh phang
khong bi gach chéo (hinh vé). Tinh thé tich V ctia khbi tron xoay tao thanh
khi quay hinh phang S; xung quanh truc Ox.

@V_1287r V_1287r @V_647r @V_2567t

3 5 5

Cau 19. Cho d6 thi (C): y = f(x) = v/x. Goi (H) 1a hinh phang gi6i han béi db thi (C), dudng thang x =9
va truc Ox. Cho diém M thudc do thi (C) va diém A(9;0). Goi V; 1a thé tich khéi tron xoay khi cho (H) quay
quanh truc Ox, V, la thé tich khdi tron xoay khi cho tam gidc AOM quay quanh truc Ox. Biét rang V; = 2V5,
tinh dién tich S phan hinh phang gidi han bdi do thi (C) va duong thang OM.

y

y;f@

M
|
|
|
|
|
]
i

(0] 5 H

(A)S=3. 5:271—‘6@. @S:%@. D) s=

W

Cdu 20. Ngudi ta 1am mot chiée phao boi nhu hinh vé (véi bé mit c6 dugc
bing cich quay dudng tron (€) quanh truc d). Biét ring OI = 30cm,R =
5cm. Tinh thé tich V ctia chiéc phao.

(A)V = 150072 cm’. V = 900072 cm?.
(©)V = 15007 cm?. (D) V = 90007 cm?®.
— HET——
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y J/ J J
Bi1 10. UNG DUNG TICH PHAN - MOT SO BAI TOAN
CHUYEN PONG

A-CAC DANG TOAN THUONG GAP

& Dang 1. Cho ham van téc, fim quang dudng di chuyén cla vat

> Vidu 1. Mot 6 t6 dang chay véi van tde 10 m/s thi ngudi 1di dap phanh, tif thdi diém d6, 6 to chuyén
dong cham dan déu véi van tde v(t) = —5¢ + 10 m/s. Hoi tir lic dap phanh dén khi diing han, 6 & con di
chuyén bao nhiéu mét?

(A)20 m. ®) 2m. (©)02m. (D) 10 m.

~

Gv Ths: Nguyén Hoang Vi

$> Vidu 2. Mot chuyén mdy bay chuyén dong trén duong bing véi van toc v(¢) = 1> + 10t m/s véi ¢ 1a
thoi gian dugc tinh bing giy ké tir khi mdy bay bat dau chuyén dong. Biét khi mdy bay dat van toc 200

' m/s thi n6 rdi dudng bang. Tinh quang dudng mdy bay da di chuyén trén dudng bing.
2500 4000
5-m (B) 2000 m. (C)500 m. D —-m.
o Loi gidi.

$> Vidu 3. Mot 6t6 bit dau chuyén dong nhanh dan déu véi van toe vy (¢) = 2¢ (m/s). Di duge 12 gidy,
ngudi 14i xe phat hién chuéng ngai vat va phanh gip, 6to tiép tuc chuyén dong cham dan déu véi gia téc
a = —12 (m/s*). Tinh quiang dudng s (m) di dugc ctia 6to tif lic bat dau chuyén banh cho dén khi diing
hén.

(A)s =168 (m). s = 144 (m). (C)s = 166 (m). (D) s = 152 (m).
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y 4/ J J

$> Vidu 4. Mot 6 to dang chay déu véi van toc a m/s thi ngudi 14i dap phanh. Tir thai diém d6, 6t6 | O
chuyén dong chdm din déu véi van téc v(t) = —5t +a trong d6 thdi gian tinh bing gidy k& tit lic dap | ()
phanh. Hdi van tbc ban dau a clia 6 t6 bang bao nhiéu, biét tif lic dap phanh dén khi xe ding hdn 6 0 di | ()
dugc 40 m. (@)

(A) a = 40. (B) a = 20. (Ca=2s. (D)a=10. \0
® Li gidi. O

B Dang 2. Cho dd thi hém van téc, tim quang dudng di chuyén cua vét

‘ $> Vidu 5. ‘
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10. UNG DUNG TICH PHAN - MOT SO BAI TOAN CHUYEN DONG

Mot ngudi chay trong thdi gian 1 gid, van toc v (km/h) phu thudc thoi gian ¢ (h) c6 46
R 1 . 8

thi lam mot phan cia duong parabol véi dinh / (5, 8) va tryc doi xing song song véi

truc tung nhu hinh vé. Tinh quang duong S ngudi d6 chay dugc trong khoang thdi gian 45

phuit, k& tir khi bit dau chay.

(A)s=53km. (B S=45km. (C)S=4km. (D) S =23 km.

Két ndi tri thirc véi cude séng

y J/ J J

D Ldi gidi.

> Viduy 6.
(THPT Québec gia 2017). Mot vat chuyén dong trong 3 gid véi van téc v (km/h) v
phu thudc thdi gian #(h) c6 do thi cia van tbc nhu hinh bén. Trong khoang thdi
gian 1 git k& tit khi bat ddu chuyén dong, dd thi d6 1a mot phan cuia dudng parabol
c6 dinh 1(2;9) va truc ddi xing song song véi truc tung, khoang thdi gian con lai
dd thi 12 mot doan thing song song vdi truc hoanh. Tinh quing dudng s ma vt
di chuyén duoc trong 3 gid d6 (két qua 1am tron dén hang phan trim).

(A) s = 23,25 (km). (B) s =21,58 (km).

(C)s = 15,50 (km). (D) s = 13,83 (km).

Hodang Viét

)

Gv Ths: Nguyén

B Dang 3. Cho ham gia téc, tim quang duéng di chuyén cta vét

e
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y J/ J J

$> Vidu 7. Mot vat chuyén dong véi van tdc 10 m/s thi ting toc véi gia tbc dudc tinh theo thdi gian 1a
a(t) = t* + 3t. Tinh quang dudng vat di dudc trong khoang thoi gian 3 gidy k€ tir khi vat bit dau ting

toc.
45 201 81 65
@7“1‘ Tm' ©Zm’ @jm-

® Loi gidi.

D

4> Vidu 8. (THPT Quéc gia nam 2018). Mot chit diém A xuét phat tit O, chuyén dong thing véi van

. , 1 11
toc bién thién theo thoi gian bdi quy luat v(r) = @IZ + ﬁt m/s, trong do ¢ (gidy) la khoang thai gian
tinh tl lic A bat dau chuyén dong. Tt trang thai nghi, mot chit diém B ciing xuét phat tir O, chuyén dong
thang cling hudng v6i A nhung chim hon 5 gidy so vdi A va c6 gia tbc bang a m/s> ( a la hing sb). Sau
khi B xuit phat dugc 10 gidy thi dudi kip A. Van tdc ctia B tai thdi diém dudi kip A bing \O

(A) 22 m/s. 15 mys. (C) 10 mys. (D) 7 mss. Q
o L& gidi. O

Co Con bu
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10. UNG DUNG TICH PHAN - MOT SO BAI TOAN CHUYEN DONG K&t néi tri thirc véi cude séng

. A
B—BAI TAP TU LUYEN

Cdu 1. Mot 6-t6 dang chay thi ngudi 14i dap phanh, tif thoi di€ém do, 6-td chuyén dong cham dan déu véi
van téc v(t) = —10¢ 4 20 (m/s), trong d6 ¢ 1a khoang thdi gian tinh bang gidy, k& tir lic bat dau dap phanh.
Héi tit lic dap phanh dén khi diing han, 6-t6 con di chuyén bao nhiéu mét?

(A)20 m. (B) 25 m. (C)60 m. (D) 15m.

CaAu 2. Mot 6 td dang chuyén dong déu véi van toc 20 m/s r6i ham phanh chuyén dong cham dan déu véi
van toc v(t) = —2¢ +20 m/s, trong d6 ¢ 12 khoang thdi gian tinh biang gidy k& ti Iic bit diu hdm phanh. Tinh
quing duong ma 6 td di dugc trong 15 gidy cubi cing dén khi ding han.

(A) 100 m. 75 m. (C)200 m. (D) 125 m.

Cadu 3. Mot 6 to dang chay vdi van toc 10 (m/s) thi ngudi 14i dap phanh; tir thdi diém d6, 6 to chuyén dong
cham dan déu véi van toc v(¢) = —2¢ + 10 (m/s), trong d6 ¢ 1a khoang thdi gian tinh bing gidy ké tir Iic bat
dau dap phanh. Héi tit lic dap phanh dén khi diing han, 6 t6 con di chuyén bao nhiéu mét?

25 m. ﬂm. ém. Em.
@ 5 2 4

Cau 4. Mot 6 to dang chay véi van tde 20m/s thi ngudi 1ai dap phanh; tif thai diém d6, 6 to6 chuyén dong
cham dan déu va sau diing 4 gidy thi 6 to bat diu ditng han. Hoi ti ic dap phanh dén khi 6 t6 ditng han, 6 to
con di chuyén dudc bao nhiéu mét?

(A)20. 50. (C)40. (D) 30.

CdAu 5. Mat 6 to bat diu chuyén dong nhanh dan déu véi van téc v (1) = 7t (m/s). Di dugc 5s, ngudi l4i xe
phat hién chudéng ngai vat va phanh gip, 6 to tiép tuc chuyén dong chim din déu véi gia tbc a = —70 (m/s?).
Tinh quing dudng . di dudc clia 6 to tli lic bat dau chuyén banh cho dén khi ditng han.

(A). = 96,25 (m). .7 = 87,5 (m). (©).7 =94 (m). (D).# = 95,7 (m).

Cdu 6. Mot 6 to dang di v6i van tdc 16n hon 72 km/h, phia trude 1a doan dudng chi cho phép chay véi

toc do toi da 12 72 km/h, vi thé ngudi 14i xe dap phanh d€ 6 t& chuyén dong cham dan déu véi van toc
v(t) =30 — 2t (m/s), trong d6 ¢ 1a khoang thdi gian tinh bang gidy ké tit lic bit diu dap phanh. Hoi tir ltic
bat dau dap phanh dén Iic dat téc d6 72 km/h, 6 to di di chuyén quing dudng 1a bao nhiéu mét?

(A) 100 m. 150 m. (©) 175 m. (D) 125 m.

Cau 7. Mot 6 to dang chay véi van toc 54 km/h thi ting téc chuyén dong nhanh dan déu véi gia toc
a(t) = 3t — 8 (m/s?) trong d6 ¢ 12 khoang thi gian tinh bing gidy. Quing dudng ma 6 o di dugc sau 10s k&
tir Itic ting toc 12

(A) 150 m. (B) 250 m. (C)246 m. (D) 540 m.

Cau 8. Mot xe chuyén dong véi van toc thay ddi 1a v(¢) = 3ar® + bt. Goi S(1) 1a quang dudng di dudc sau ¢
gidy. Biét ring sau 5 gidy thi quing dudng di dudc 1a 150 m, sau 10 gidy thi quing dudng di dugc 1a 1100 m.
Tinh quang duong xe di dugdc sau 20 gidy.

(A) 8400 m. 600 m. (C) 4200 m. (D) 2200 m.

CAu 9. Tai mot thdi diém ¢ trude lic d6 xe & diém diing xe, mot chiéc xe dang chuyén dong déu véi van tdc
12 60 km/h. Chiéc xe di chuyén trong trang thai d6 5 phiit roi bat dau dap phanh va chuyén dong cham dan
déu thém 8 phut nita rdi méi diing hin & diém dd xe. Tinh quang duding ma xe di dudc i thoi diém ¢ néi trén
dén khi diing han.

(A)4 km. (B) 5km. (©)9km. (D) 6 km.
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y / J J

Cdu 10. Mot chit diém bat dau chuyén dong v6i van tde v(t) = at®> + bt véi t tinh
bing gidy va v tinh bing mét/gidy (m/s). Sau 10 gidy thi chit diém dat van tdc cao nhét 50
v =50 m/s va giit nguyén van tdc do, c6 do thi van tdc nhu hinh bén. Tinh quing dudng s
chét diém di dugc trong 20 gidy dau.

®:=20 ®.-20,

s = 800 m. s:mm.
© ®)s=2

O 10

Cau 11. Mot ngudi 1ai xe 6 t6 dang chay vé6i van toc 20 m/s thi ngudi 14i xe phat hién c6 hang rao ngin
dudng & phia trudc cach 45 m (tinh tif vi tri dau xe dén hang rao) vi vy, ngudi 14i xe dap phanh. Tur thdi diém
d6 xe chuyén dong cham dan déu véi van tde v(t) = —5¢ +20 (m/s), trong d6 ¢ 1a khoang thdi gian tinh bing
gidy, ké tir Iic bat diu dap phanh. Héi tit lic dap phanh dén khi ditng han, xe 6 t6 con cach hang rao ngin
cach bao nhiéu mét (tinh tif vi tri dau xe dén hang rao)?

@Sm. 6m. ©4m. @3m.

Cdu 12. Mot 6 t6 dang chay véi van tbc 200m /s thi ngudi 14i xe dap phanh. Tu thdi di€ém do, xe chuyén
dong cham dan déu véi van toc v () = 200 +at (m/s), trong d6 ¢ 1a khoang thdi gian tinh biang gidy, ké tif ldc
bit diu dap phanh va a (m/s2) la gia toc. Biét rang khi di dugc 1500 m thi xe ditng han, hoi gia toc clia xe
bing bao nhiéu?

@a:—@m/sz. a:—@m/sz. @a——m/s

Cdu 13. Mot vat chuyén dong trong 4 git v6i van toc v (km/h) phu thudc
vao thdi gian ¢ (h) c6 dd thi van toc nhu hinh vé bén. Trong khoang thdi gian
1 giS k& tir khi bat dau chuyén dong, dd thi d6 1a mot phan ciia dudng parabol
c6 dinh 1(2;9) va truc dbi xting song song véi truc tung. Khoang thoi gian
con lai vat chuyén dong cham dan déu. Tinh quing dudng S ma vat di dudc
trong 4 gid d6 (két qua 1am tron dén hang phan trim).

(A)S§=23,71 km. (B) § =23,58 km.
(C)s =23,56 km. (D) § = 23,72 km.

o 1 2 3 4 X
Cdu 14. P& dam bao an toan khi luu thong trén dudng, cic xe 6 td khi diing dén dd phai cich nhau tbi
thi€u 1 m. Mot 6 t6 A dang chay vdi van téc 16 m/s bdng gip 6 td B dang diing den do nén 6 to A him phanh
va chuyén dong cham dan déu véi van téc dudc biéu thi bing cong thiic va (f) = 16 —4¢ (m/s), thdi gian tinh
bing gidy. Héi ring dé hai 6 to A va B dat khoang céch an toan thi khi diing lai 6 t6 A phai ham phanh cach
0 td B mot khoang it nhét 14 bao nhiéu?

(A)33m. B) 12m. (©)31 m. (D)32m.

Cau 15. Mot chét diém A xuit phat tif O, chuyén dong thang v6i van toc bién thién theo thdi gian bsi quy

1 59 N 0
ludt v(z) = ﬁtz + %t (m/s), trong d6 ¢ (s) 1a khoang thdi gian tinh tit Iic A bat dau chuyén dong. Tu trang

thai nghi, mot chit di€ém B ciing xuét phit tir O, chuyén dong thang cling huéng véi A nhung cham hon 3 gidy
50 v6i A va c6 gia toc bing a (m/s?) (a 12 hing s6). Sau khi B xuit phat dugc 12 gidy thi dudi kip A. Vén tbc
clia B tai thoi diém dudi kip A bang

(A)20 (m/s). 16 (m/s). (©) 13 (mis). (D) 15 (m/s).

— HET——
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Barll. DE TONG ON

Cau 1. Cho ham s6 f(x) lién tuc trén khoang K va céc hing sb a,b,c € K. Ménh d nao duéi day sai?

@/bf<x>mzfcf(x>dx+/bf<x>dx. /bf(x)dx#/bf(t)dt
@/bk-f(x)dx:k/bf(x)dxvéikeR. @/bf(x)dx:—/af(x)dx
a a a b

CAu 2. Ho nguyén ham ctia ham s f(x) = sin5x+2 la
1 1
@—§c055x—|—2x+C. gcos5x+2x+C. @cosSx—l—Zx-i—C. @SCOSSX-I-C.

:"q:)- CdAu 3. Cho ham sb f (x) ¢6 dao ham trén doan [0;2] va £ (0) = —1, biét /f’ (x) dx =5. Tinh f(2).
> 0
o @/ ®r=2 ©r@=s. Dre-=

/U CAu 4. Tinh thé tich vat thé tao thanh khi quay hinh phiang (H) quanh truc Ox, biét (H) dugc gidi han béi
O cic duong y =4x*—1,y=0.

- @ 8T ® A 167 27
c 15 15° 15° 15
®0 ) . )
> Cau 5. Tinh dién tich S ctia hinh phang gi6i han bdi dd thi cac ham s6 y =3x%, y=2x+5,x = —1 va
()0 256 269
pa @S_— (B)S=09. (©)s=27. ©s="
é
CAu 6. Khi tinh neguyén ham ctia ham so dx. Biane cich dat u = v/x—+1 ta dudc nguyén ham
,; guy \/)T g vV guy
nao?

@/ u”—3)du. /(u2—4)du. @/2(u2—4)du. @/2(u2—4)udu.

Cau 7. Goi F(x) = (ax? + bx+c)e* 1a mot nguyén ham ctia ham s6 f(x) = (x — 1)%*. Tinh S = a +2b +

C'@S:& B s=-2. ©)s=o. D)s=4.

1
Cdu 8. Cho / (x+3)e*dx = a + be V6i a, b 1a cac sd nguyén. Ménh dé nao dudi dy ding?

0
(A)a+b=-5. B a+b=—1. (Ca-b=—6. (D)a-b=6.
CaAu 9. Dién tich hinh phang gidi han bdi 2 dudng cong y =x> —2xvay =2x> —x—21a

(A4, (B)9. ©)s. @2_

CdAu 10. Cho ham s6 y = f(x) ¢6 dao ham f’(x) lién tuc trén doan [1;4], f(1) = 12 va / f(x)dx=17.
Gid tri ctia f(4) bing

A 10. 5. (©)29. Do.
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y J/ J J

Cau 11. Cho db thi ham s6 y = f(x) nhu hinh vé. Dién tich S ctia hinh phang y
dugc gidi han bdi do thi ham s y = £(x) va truc Ox (phan gach soc) dudc tinh
bdi cong thiic

3 3 2

@Sz/f(x)dx- S:/lf(x)der/f(x)dx. 3 /
s /s

| BN

3

©s-= /3f(x)dx- @Sz/lf(x)dx—/f(x)dx-
3 -3

1

1 2

Cau 12. Pits — x+ 1. Khi do’/( xl)z =/f(t)dt. Ham s £(¢) 1a ham sb nao du6i day
X+

(A) £(r) ——}2 ®) f() ——+l @f(t)=tt_—22~ @f(t)=1n|t|+%-

Cau 13. Cho ham s6 y = f(x) c¢6 dao ham lién tuc trén R, biét f(1) = 2017 va /f’(x)dx =1, gid tri cua

f(2) bang

(A)2016. 2017. (©)2019. (D) 2018.

Cau 14. Tim nguyén ham F(x) ctia ham s f(x) = cosxy/sinx + 1

@F s1nx—|—1)\/s1nx+ +C. (B) F(x) smx+1)\/smx+ +C.
1—2smx 3sin®x
F(x . F :—sin sinx+1+C.
© Ncrren D) F(x) = §sinxvsina + 1
Cdu 15. Ho nguyén ham cta ham séx(2—e3x) la
1

(A) x> — —e>*(3x—1)+C. ® 28— 2 (x—1)+C.

1 1
(©)x2 +§eZX(x+1)+C. @x2—§e3x(3x—1)+C.

Cau 16. Biét f(x) 1 ham sb lién tuc trén R va / #(x)dx = 9.Tinh / F(3x—3)dx.
0

(A)27. 24, (©)3. 1 D)o.

Cau 17. Ho nguyén ham ctia ham s6 f(x) = 1 —x+x? 1a

x2 x3
@F(x):x—5+?+c. B) F(x)x—x>+ x> +C.
3
(C)F(x) = —1+2x+C. D) F(x) _——+x3 +C.
; 3
Céu 18. Cho/de:mln2+nln3+pln5,V(’jim,n,plécéc s6 hitu ti. Tinh S = m? +n+ p>.
X2 4+3x+2
1

(A)S=5. B) s=3. (C)s=4. (D) s=6.

Cau 19. Thé tich khbi tron xoay khi cho hinh phing gii han bdi parabol (P): y = x> va dudng thing

d:y=2x quay xung quanh truc Ox bang
2

2
@E/Zx x? 77:/4x2dx—|-7r/x4d.x
0 0
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y J/ J J

2 2
@n/x —2x)%dx. @ﬂ/4x2dx—ﬂ/x4dx.
0 0

Cau 20. Mot vat dang chuyén dong véi van téc 10 m/s thi ting tdc véi gia toc a () = 3¢ 412 (m/s?). Quing

dudng vat di dudc trong khoang thoi gian 10 gidy ké tir lic bat dau ting toc bang bao nhiéu?
4300 1900 m

2200 4000

5

CdAu 21. Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va f(5) = 10, /xf’(x) dx = 30. Tinh gia tri cta
0

tich phan I = / f(x)dx

@1:—2(()). (B) I=170. (C)1=120. D)I=-

CAu 22. Dién tich hinh phang gidi han bdi do thi hai ham s6 y = x> va y = 4x dudc tinh theo cong thiic
2

2 0
:'0_) @S /x —4x) dx. S:/(x3—4x)dx—/(x3—4x)dx.
1— -2 -2 0
> 0 2 2
g’ @S:/(x3—4x)dx+/(x3—4x)dx. @S /4x x3) dx.
O -2 0 -2
O 2
L Céu 23. Choham sé f(x) c6 dao ham f'(x) lién tuc trén R, f(0) =1, f(2) =3 va /f(x) dx = 3. Tinh tich
C
« g | 0
- phéan / f (2x)dx
2™
3
. —. 2. —. 0.
L ® GE ®
£ cau2a.
~ Cho duong thang y = 3x va parabol y = 2x*> +a (a 1a tham sb thuc y
(D duong). Goi S; va S, lan lugt 1a dién tich ctia hai hinh phing dugc y=3x
gach chéo trong hinh vé bén. Khi S| = S, thi a thuc khoang nao dudi
day?
sw) @05 ©g) @)
=0 ) 0,2 ). L= ). 1 S
® (5 10 5 ©113 OINTS N ’
y=2x>+a 7l s,
0] X
1
- , s 1(x)
Cadu 25. Cho ham F(x) = 4* la m0t nguyén ham ctia ham so6 2* - f(x). Tinh 27 dx
n
0
2 2 4
iy ® T2 3

Z
7S

—HET—
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y J/ J J

B-DE SO 2
1
Cau 1. Tinh tich phin /(ex+ 1) dx.
0

(A)2,718. Be+C,vwiCeR.  (Cle. (D) 2e 3.

2 5 5
CAu 2. Néu [ f(x)dx=3, | f(x)dx=—1thi [ f(x)dx bing

@) 2. 2. ©s. D)4

3
Cau 3. Choham sy = f(x) c6 f(2) =2, £(3) = 5; ham s6 y = f’(x) lién tuc trén [2;3]. Khi d6 /f/(x)dx
2

bing
(A) 10. B) 3. ©)7. (D) -3.

Cdu 4. Dién tich hinh phang gi6i han bdi cic dudng y = f(x), Ox, x =c, x = b, (b > ¢) c6 cong thiic
tinh

b b c c
W=z [If@la. ®s=[lfwlae  ©s= [If@lae. B s=x [[fx)Pax
c c b b

Cdu 5. Cho sb duong a va ham s6 f(x) lién tuc trén R théa man f(x) + f(—x) = a, Vx € R. Gid tri cla
a
bidu thitc / F(x)dx biing

@az. ' 2a. @a. @2612.

Cau 6. Cho ham s y = f(x) lién tuc trén doan [a; b]. Dién tich hinh phing gidi han bdi do thi ctia ham s6
y = f(x), truc hoanh va hai dudng thang x = a, x = b (a < b) 1a

@v:/bﬂx)dx. V=7r2/bf(X)dx- ©V=7r/bf(X)dx- @S=/b|f(X)ldX-

N . o N 1 N 2 PN
Cadu 7. Cho hinh phang (H) gidi han bdi dudng cong y = E, truc hoanh va duong thang x = e. Khoi tron

NG

xoay tao thanh khi quay (H) quanh truc hoanh c6 thé tich V bing bao nhiéu?
T T T

Cdu 8. Cho hinh phang D gidi han béi cac dudng y =x+2,y =0, x= 1 vax = 3. Tinh thé tich V ctia khbi
tron xoay tao thanh khi quay hinh D xung quanh Ox.

2
Av=2 ®v=2" ©v=2% D)V =8

3 3 3
" A e s % Inx .
Cau 9. Ho nguyén ham ctia ham s6 f(x) = — la
x
1 1
@ In>x+C. In(Inx) 4 C. @ Elnzx—l—C. @ §1n2x+lnx+C.
~ . —1 4. ax 2 .
Cadu 10. Tim nguyén ham F(x) cta ham so f(x) = x—z, biet do thi ham so0 y = F(x) di qua diém
x
(1;=2).
1 1
@F(x)zln\x\—;+l. F(x):ln]xH—;—?).
1 1
(O F(x)=In|x|— - —1. (D) F(x) =In|x|+ - +3.
X X
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V' J J J
1
Cadu 11. Tich phﬁn/ ! dx bang
" x+1
(A)In2. ‘@2_1. ©v2-1. (D)2(v2-1).

3 2
Cau 12. Néu / %dx / F(£)dr v6i t = vIFx thi £(r) 12 ham s6 nio trong céc ham s6 dudi
1

+vVT+x
day?
(A) fr)=1>—1. ® fy=22+2.  ©f)=22-2 D) f)=r+r

Cau 13. Goi / 2018"dx = F(x) + C, véi C 1a hing s6. Khi d6 ham s6 F(x) bing

+1 . -1
N 2018*1n2018. © 208 D208

x+1 In2018" In2018

A " N A1 PR . N T . T
:'q_,. Cadu 14. Biét F(x) la mot nguyén ham cta ham s6 f(x) = sin2x va F (Z) =—1.Tinh F (8)

> T ¥/ T T
o ®r(g)=vi-t Or(f)=-%-1 ©r(Q=3  ©r(f-3

0 1
O C@u 15. Tinh tich phan / a dx dugc két qua
- - 0 Vx+1

1 4—2+/2 1 2244
G ®Lom ® 422 ©m2-L 0 22t
v e 3 6 3

- s
) Cdu 16. Cho F(x) 1a mot nguyén ham cta ham so f(x) = (5x+ 1)e* va F(0) = 3. Tinh F(2).
(A)F(2) =6e>+7. B F(2)=11*+3.  (C)F(2)=5¢*+7. (D) F(2) =e2+7.

Cadu 17. Mot vién gach hoa hinh vudng canh 80 cm. Ngudi thiét ké da sit dung
bdn dudng parabol c6 chung dinh tai tAm ctda vién gach d€ tao ra bon canh hoa
(phan gach soc nhu hinh vé bén). Dién tich mbi canh hoa ctia vién gach bang

@ 43ﬂ cm?. 250 cm?.

O e 010 e

Gv Ths: N

Cdu 18. Tinh thé tich V ctia vt thé gidi han bdi hai mit phang x = 0 va x = 4, biét rang khi cit bdi mit
phing tuy y vudng goc véi truc Ox tai diém c6 hoanh do x (0 < x < 4) thi dugc thiét dién 12 nita hinh tron c6
ban kinh R = xv/4 — x.

@V:63)—4. ®v=22 @V:MT”. @V:%.

3

Cau 19. Mot 6 to dang chay véi van tbc 54 km/h thi ting téc chuyén dong nhanh din déu véi gia toc
a(t) = 3t — 8 (m/s?) trong d6 ¢ 12 khoang thi gian tinh bing gidy. Quing duong ma 6 to di dugc sau 10s k&
tir Itic ting toc 14

(A) 150 m. (B) 540 m. (C)250 m. (D) 246 m.
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t ndi tri thirc véi cude séng

y J/ J J
CdAu 20. Cho ham sb bac bay = f(x) c6 d6 thi (C) nhu hinh vé. Biét y
dd thi ham s6 da cho cét truc Ox tai ba diém c6 hoanh do x;,x;, x3 theo
thit tu 1ap thanh cip sb cong va x3 —x; = 21/3. Goi dién tich hinh phang
gidi han béi (C) va truc Ox 1a S, dién tich S cdia hinh phang gi6i han A \ N

bdi cac duong y = f(x)+ 1, y=—f(x) — 1, x =x; vax = x3. Gia tri §; X X ; 3
bing \/

(A)4V3. (B) 8V/3. ©)s+4v3. (D)S+2v3. -1

4 2
Cadu 21. Cho / f(x)dx =2018. Tinh tich phan I = / [f(2x) + f(4 —2x)] dx.
0 0

(A)I=12018. (B) I =1009. (©1=0. (D) I = 4036.
1

Cdu 22. Cho ham sb f(x) lién tuc trén [—1;1] va f(—x) +2018f(x) =e*, Vx € [~1;1]. Tinh /f(x) dx.
-1

e2—1 e2—1 e2—1
@ ' ©0' @20186'

e 2019¢’

1 3
C@u 23. Cho ham sé f(x) ¢6 dao ham lién tuc trén R. Biét £(3) = 1 va / xf(3x)dx = 1, khi d6 / R (x) dx
0 0

bing

(A)3. ® 7. (©)-o. 23—5

x? 4+ (2x +cosx) cosx + 1 —sinx

T
2
~ « A c = N e A ~, 2 3
Cdu 24. Biét / dx = am®+b— = v6i a,b,c la cac so hitu ti. Tinh P =
0

X+ cosx
ac +b. s 3
@P:Z. P:E. ©r=2. (D) P=3.
Cdu 25. Ban An can mua mdt chiéc guong cé vién la dudng n

parabol bac 2 (xem hinh v&). Biét rang doan AB = 60 cm, OH = 30
cm. Dién tich cda chiéc guong ban An mua 1a

(A) 900 cm?. 1200 cm?. (C) 1400 cm?. (D) 1000 cm?.

30 cm

A 60 cm B

—HET—
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Két néi tri thirc véi cude séng

y J/ J J

11. BE TONG ON
DPAP AN THAM KHAO CAC BAI TAP TU LUYEN
DAP AN BTTL BAI 1
1. cll2z B3 B4 c5. allee BJ|[7. A][8&. c]9. All10. D
11. C |[12. B |[13. € |[14. D |[15. A |[16. C |[17. B |[18. A |[19. B |[20. A
21. D |[22. A [[23. B |[24. B |[25. C
DAP AN BTTL BAI 2
1. D[22 D][3. A& Bls. clle. D|[7. A8 B |[9. A |[10. B
11. B |[12. ¢ |[13. € |[14. A |[15. A |[16. C |[17. B |[18. C |[19. D |[20. B
21. A |[22. € |[23. D |[24. B |[25. A
-— DAP AN BTTL BAI 3
«@-
=[1. B2 B3 D4 DJ5 D6 C|[7. A8 A9 D]J10. D
CCD 11. A |[12. A |[13. A J[14. C |[15. B |[16. B |[17. D |[18. B ][19. B ][20. C
.52l B |[22. D ][23. B |[24. D ][25. D
O
:E DAP AN BTTL BAI 4
1
q>,.1.C2.A3.C4.A5.A6.A7.D8.A9.C10.B
311. B |[12. A |[13. C |[14. A |[15. D |[16. C |[17. C |[18. B |[19. B |[20. A
—[21. C ][22. D |[23._ A ][24. B ][25. B
= DAP AN BTTL BAI 5
[
SI.C2.A3.A4.A5.A6.A7.D8.B9.C10.B
11. B |[12. A ][13. ¢ |[14. ¢ |[15. ¢ |[16. B |[17. D |[18. C |[19. B |[20. A
21. A |[22. A ][23. A |[24. A |[25. C |[26. C |[27. D |[28. C ][29. D |[30. A
DAP AN BTTL BAI 6
1. All2. B3 B[4 BI5 Blle. DJ|[7. A][8&. Al]9. D][10. D
11. B |[12. D |[13. B |[14. B |[15. B |[16. B |[17. B |[18. B |[19. C |[20. C
21. B |[22. B |[23. C |[24. A |[25. A
DAP AN BTTL BAI 7
1. D[22 DJ[3. cl& B[5. cll6e. B|[7. c|[8&. c]9. D ]|[10. D
11. A |[12. A ][13. B |[14. A |[15. ¢ ][16. D |[17. € |[18. B |[19. B ][20. B
21. A |[22. € |[23. D |[24. A |[25. C |[26. B ][27. A ][28. A ][29. C |[30. C
31. A |[32. C |[33. C |[34. C |[35. B |[36. A |[37. C |[38. B |[39. A |[40. C
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Chuong 3. NGUYEN HAM, TICH PHAN VA UNG DUNG K&t néi ri thirc véi cude séng

y J J J
. . . . A ||5. A6 B ||7. B ||8& C |[|9. D ||10. A

11. B ||12. 13. D ||14. A ||15. A ||16. B ||17. B ||18. D |[{19. A ||20. C

21. B ||22. D ||23. B ||24. C ||25. A |[[26. B [|27. B ||28. C ||29. B |[30. A

a

PAP AN BTIL BAI 9

1. B ||2. C ||[3. A |4 D ||5. A 6. B ||7. A8 B ||9. B |[10. C
11. A |[12. B ||13. C ||14. D ||15. C ||l6. B ||17. D ||18. D ||[19. B |[{20. A

DAP AN BTIL BAI 10

1. All2. c 3. A4 cl5. All6. DJ7. B 8. A 9. C |10. A |
11. A |[12. D [[13. A |[14. A |[15. B

O
. 3 .z C
DAP AN PEON SO 1 o
>
1. B[22 A3 D4 A5 pDlle. c|[7. B8 c|9. D |10 C ]
11. D |[[12. A ||13. D |[14. B |[15. A |[16. C |[17. A |[18. D |[19. D |[20. C 8
21. C |[22. B |[23. A ][24. A |[25. A O
P X A X \o
DAP AN BE ON SO 2 O
‘O
1. Cc |2z B3 B4 BJ5 Al DJ7. A8 c |9 c |10 B Q
11. D |[12. € ||13. € |[14. D |[15. B |[16. A |[17. D |[18. B |[19. C |[20. A O
21. A |[22. B |[23. C ][24. C |[25. B o
=
O
=
‘O
O
-
«O
n)
O
pd
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