KHUNG MA TRAN

CHUONG 1. UNG DUNG CUA PAO HAM

. s CAP DO TU DUY
CiIU bE - - - N CONG
CHUAN KTKN Nhan Thoéng Van Van j
biét hiéu dung | dung cao
. ) . Cau 1 Cau 2 Cau 3 3
(1) Tinh don diéu ctia ham s
15%
. ) Cau 4 Cau 5 Cau 7 4
@ Cuc tri cia ham so
Cau 6 20%
(3) Gia tri 16n nhét, gia tri Cau 8 Cau 9 Cau 10 Cau 11 4
nhé nhét ciia ham sé 20%
(4) Dudng tiém can ctia dd Cau 12 Cau 13 Cau 14 3
thi ham sb 15%
) Cau 15 Cau 16 3
(5) Khao sat ham sb
Cau 17 15%
(6) Su tuong giao. Phuong Cau 18 Cau 19 Cau 20 3
trinh tiép tuyén 15%
6 8 4 2 20
Cong
30% 40% 20% 10% 100%
BANG MO TA CHI TIET NOI DUNG CAU HOI
CHU DE CAU| MUC PO MO TA
Nhan ra ham s6 da thic dong bién (nghich bién)
1 NB trén mot khoang.
R Tim khoang dong bién, nghich bién ctia ham s6 don
Chu dé 1. Tinh 2 TH gian,
don digu ciia I
ham sé Cho do thi (bang bién thién) ham s6 dao ham, xéc
3 VDT dinh sy bién thién ctia ham s6 hgp thong qua do thi
(bang bién thien).
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4 NB Nhan biét s cuc tri.
5 TH Doc cuc tri nhd do thi ham sb.

Chi dé 2. Cuc . T . > -
Tim cyec tri cia ham s6 thong qua bang bien thién;

tri cua ham so 6 TH phan biét duge hoanh do va tung do diém cuec tri.
7 VDT Tim diéu kién dé ham s6 dat cuc tri tai diém.
8 NB Nhan ra gia tri 16n nhat, nhé nhat clia mot ham sob.
0 TH Tim gi4 tri 16n nhat, nhé nhat ctia ham s6 don gidn

Chi dé 3. Gid tren mot doan.
tri lon nhat, gid | VDT Xac dinh gia tri cia mot biéu thic thong qua gia
tri nho nhat cia 0 tri 16n nhat, gia tri nho nhat cia ham s6.

ham 50 Tim gi4 tri 16n nhat, nhé nhat clia ham c6 chia gia
11 VDC tri tuyet doi hodc bai toan thuyc té.
12 NB Tim tiém can ctia do thi ham nhat bién.
Ch4 dé 4. Dudng 13 TH Tim s6 tiém can ctia do thi ham s6 thong qua bang

N " , 2 bién thién.
tiém can cua do

thi ham sé Tim diéu kién ctia tham s6 de do thi ham sb c6 s6

14 VDT tiém can cho trude.
. 15 NB Nhan ra ham s6 thong qua do thi ham s6 bac ba.
Chi dé 5. Khado . ar T b . .
st ham sé 16 TH Tim ham s6 y = 1 d nhs do thi.
17 TH D6 thi ham tring phuong.
18 NB Tim giao diém ctia hai do thi.
Chi dé 6. Su Tim phuong trinh tiép tuyén ctia do thi ham sb tai
tuong giao. 19 TH mot diem.
Phuong trinh N . N P .
Long B Tim diéu kien dé hai do thi ham s6 cit nhau théa
tiep tuyén. 20 VvDC

méan diéu kién nao do.

@ OE KIEM TRA

DE KIEM TRA

PésH 1

Pésd 1

Cau 1. Ham s6 y = f(z) c6 do thi nhu sau
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Ham s6 y = f(x) dong bién trén khoang nao dudi day?
[A] (-2:-1). ® (-1 ). © (-21). @ (-1:2).
Loi giai.
T do thi ham s6 ta c6, ham s6 dong bién trén cac khoang (—oo; —1) va (1; +00).
Trong cac khoang da cho trong cac dap an lya chon chi c6 khodng (—2; —1) nam trong (—oo; —1).
Chon dap an @ O

Cau 2. Cho ham s6 c6 bang bién thién nhu hinh vé sau.

z —00 0 2 +00
Y + 0 — 0 +
1 —00
Y
— 0 -1

Phat biéu nao dung?
Ham s6 dat cuc dai tai z = 0 va dat cuc tiéu tai z = 2.
Hamsd dat cuc tiéu tai x = 1 va dat cuc dai tai x = 5.
@ Gia tri cyc tiéu ctia ham sb bang 2.
@ Gia tri cyc dai ctia ham s6 1a 0.
Lo giai.
Chon dap an @ OJ
Cau 3. Cho ham s6 y = f(x) lien tuc, dong bién trén doan [a; b]. Khang dinh nao sau day ding?
@Ham s6 da cho ¢6 cyc tri trén doan [a; b].
Phuong trinh f(z) = 0 ¢6 nghiém duy nhat thugc doan [a; b].
@ Ham s6 da cho ¢6 gia tri 16n nhat, gia tri nhd nhat tren khoang (a;b).
@ Ham s6 da cho ¢6 gia tri 16n nhat, gia tri nhd nhat tren doan [a; b].
Lo giai.
Nhic lai dinh 1f vé sy ton tai gia tri 16n nhat ctia ham s6 trén mot doan:
Moi ham s6 lien tuc trén mot doan [a; b] déu c6 gid tri 16n nhat va nhd nhat trén doan do.
o Phuong trinh f(x) = 0 ¢6 nghiém duy nhat thudc doan [a;b] 1a khang dinh sai khi f(a) > 0.
o Ham s6 da cho c6 cie tri trén doan [a; b] sai theo diéu kién can ciia cyc tri ham sb.
o Ham s6 da cho c6 gia tri 16n nhat, gia tri nho nhat trén khoang (a;b) sai vi f(a) < f(z) < f(b)
v6i Vo € (a;b).
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Chon dap an @ O
. 2¢—1 » . .
Cau 4. Cho ham so y = 5 Khang dinh nao duéi day diang?
x —
@ Ham s6 ¢6 tiem can ding la o = 2. D6 thi ham s6 ¢6 tiem can ding 1a o = 2.
R . 1 . .

@ Do thi ham so c6 tiém can ngang y = 3 @DG thi ham so khong ¢6 tiém can.

Loi giai.
4 2$ —1 ~ ;N PR 4 s oL ~ , N
Ta c6 lim = 400 nén do thi ham so c6 tiém can ding la x = 2.
2t x — 2

Chon dap an OJ
Cau 5.
Duong cong ¢ hinh bén 1a do thi clia mot ham sé trong bon ham sb y
dudi day. Hoéi ham s6 d6 1a ham s6 nao? 3

@y: —x® + 322 + 3.
y:—x3—3x2+3.

@y:x3—3m+3.
D]y = 23 — 322 + 3. 2

Loi giai.

Xét ham s6 y = ax® + baz? + cx + d, v6i a = 1 hodic a = —1.

Ta c6 3y = 3ax® + 2bx + c.

Duya vao do thi ham s6 ta ¢c6 a > 0 = a =1, lai ¢6 y(0)
/

=3=
) & &
y'(2)=0 12a +4b+c = 0. b= -3.
Suy ra ham s6 can tim la: y = 2% — 322 + 3.
Chon dap an @ OJ

N . dor +4
Cau 6. Do thi ham s6 y = x +1
x J—

(A)o. [B] 2. ©1. (D)3.

Lai giai.

HémsécéQdiémcuctrix:0va:n:2néntacé{

N

va y = 22 — 1 cét nhau tai bao nhiéu diém?

4ox + 4
r—1

Phuong trinh hoanh do giao diém ciia do thi ham s6 y = vay=12?—-11a

detd o {4(x+1):(x—1)(:c2—1)

r—1 v #1

(x+1)%*(x—3) = r=-1

{m#l <:>[x:3.
4o + 4

N

va y = 22 — 1 cit nhau tai 2 diém.

Do d6 do thi ham s6 y = :
:L' J—
Chon dap an O

35— (m—1)2% — 4max dong

Cau 7. Tim tat ca cac gia tri thyc cia tham so m dé ham s6 y = gx
bién tren doan [1;4].

@mgz. m§

Lai gidi.
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Tacoy =a2>—2(m— 1)z — 4m.

YCOBT <y > 0,Vx € [1;4] 2) < 2 + 2, Vr € [1;4]
2) <z(x+2),Vre[l;4]
v

Chon dap an O
Cau 8. Cho ham s6 y = f(z) lién tuc trén R va ¢6 do thi nhu hinh vé bén. Ménh dé nao sau day
sai?

f(x) co gia tri cue tieu y = 1. f(x) dat cyc tiéu tai z = 1. y
@ f(z) 6 gia tri cuc dai la y = 0. @f(x) dat cuc dai tai z = 0.
-1 0 1/x
| ;1____

Lo gidi.
Ham s6 dat cuc tiéu tai x = £1 va gia tri cuc ticu la y = —1.
Ham s6 dat cyc dai tai 2 = 0 va gia tri cyc dai la y = 0.
Chon dap an @ O
Cau 9.
Cho ham s6 y = f(z) lien tuc tréen R, do thi ctia dao y
ham f’(z) nhu hinh vé bén. Trong cac ménh dé sau,
ménh dé nao sai? 91

f dat cuc tiéu tai z = —2.

f dat cuc tiéu tai z = 0. 1T
@ Cuc tiéu ctia f nhé hon cuc dai. \ -1 0
@f dat cuc dai tai z = —2. S o3 ooa~—_" 1 5 x

Loi giai.

Theo gia thiét f/(z) doi dau tit duong sang am khi o qua —2 nén x = —2 la diém cyc dai ctia ham
s6 f(z) va f'(z) d6i dau tit am sang duong khi x qua 0 nén z = 0 la diém cyc tiéu ctia ham s6 f(z).
Béng bién thién ctia ham s6 f(z)

x| —oo —2 0 +00
f'(x) + 0 - 0 +

f(=2) /
f(z) / \ .

Tt dé ta thay cuc tiéu ctia f nhé hon cuc dai ctia né.
Chon dap an @ O

Cau 10. Tim gia tri 16n nhat ctia ham s6 y = 223 + 322 — 122 + 2 trén [—1;2].

(A)6. B)11. (C) 10. D] 15.
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Loi giai.
r=1
Coy =62> 46212,y =0 | 5
Ta c6 f(—1) =15, f(1) = =5, f(2) = 6. Vay gi4 tri 16n nhét ctia ham s6 1a f(—1) = 15.
Chon dap an @ O
Cau 11. Cho ham s6 y = f(z) ¢6 bang bién thién nhu hinh vé duéi day
T |—00 —1 0 1 +00
Y - - 0 - -
1| +oo +00 3
—00 -2 —00

Ho6i do thi ham s6 ¢6 bao nhiéu duong tiém can ding va tiém can ngang?

(A)1. B) 4. (©)2. [D]3.
Loi giai.
Tiém can ding: x = +1 va tiém can ngang: y = 3.
Chon dap an @ O

Cau 12. Do thi bén duéi 1a ctia ham s6 nao?

2 — 1 2 +5 +2 20 + 1
@y=="—. By=""" ©y=""". Dly==

r+1 r+1 r+1°

Loi giai.

X . N S e 2 PN ~ N N X N, e 2‘1. + 1
D6 thi ham s6 ¢6 cac tiém can la © = —1 va y = 2, dong thai y(0) = 1. Do d6 ta chon y = 1

x

Chon dap an @ O
Cau 13.
Duong cong hinh bén 13 do thi clia mot trong bon ham s6 dugce liet ke & y
bén phuong an A, B, C, D duéi day. Héi ham s6 d6 14 ham s6 nao? 2

@y:x4+2x2—1. Bly = 2* — 222 — 1.

@y:—x4—2x2—1. @y:—$4+21‘2—1.

Lai gidi.

-2\ O] 1/2 2
Vﬁ
Dua vao do thi két luan a > 0 va b < 0.

Chon dap an O
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Cau 14. Tu diem M(—1;-9) c6 thé ké duge bao nhiéu tiép tuyén dén do thi ham s6 y = 42° —
6% 4+ 17
(A)o. B)3. 2. D)1.
Loi giai.
y = 122% — 12x.
Goi A(zo; o) 1a tiép diem.
Phuong trinh tiép tuyén tai A 1a y = 12(23 — x0)(z — xo) + 423 — 623 + 1.
Do tiép tuyén di qua M (—1; —9) nén
o — -1
—9=12(x3 — zo)(—1 — o) + 4xj — 622 + 1 & —8x) — 623 + 120+ 10 =0 & 5
o = Z_l
Suy ra c6 hai tiép tuyén.
Chon dap an @ O

Cau 15. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh vé.

x —00 -1 0 1 +00

y + 0 — — 0 +

Ham s6 y = f(z) nghich bién trén khodng nao trong cac khodng sau day?
(A) (0; 400). (—1;0). ©) (-1;1). (D) (—o0; —1).
Loi giai.
Trong khoang (—1;0) dao ham ¢’ < 0 nén ham s6 nghich bién treén khoang (—1;0)
Chon dap an O
Cau 16. V6i gia tri nao ctia m thi ham s6 y = ma® — 3ma + 2 dat cyc dai tai o = 17
@mzl. m7é0. [C]lm < 0. @mz&
Loi giai.
Xét ham s6 y = ma® — 3max + 2. V6i moi x € R ta ¢6 iy = 3ma® — 3m va y" = 6maz.
Ham s6 y = ma® — 3ma + 2 dat cuc dai tai # = 1 khi va chi khi

{;/(1) =0 - {3m—3m:O

o6m <0

= m < 0.

Chon dap an @ O

Cau 17. Goi M , m lan lugt 1a gié tri 16n nhat va gia tri nhé nhat ctia ham s6 y = 2% — 322 — 92 + 1
tren doan [0;4]. Ta ¢6 m + 2M bang:

—24. B) —57. (C) —37. (D) -14.
Loi giai.
Xét ham s6 y = 2* — 322 — 9z + 1 trén doan [0;4].
r=-1¢10;4]
x=3¢€[0;4
Tinh y(0) =1; y(3) = —26; y(4) = —19. Suyra M =1, m = —26 = m + 2M = —24.
Chon dap an
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£ 2 2 .z . 2 A X . N A X + 1 pe
Cau 18. Tim tat ca cac gia tri thyc ctia tham so6 m sao cho do thi ham so y = co

vm?az? +m —1
41[

bén dudng tiém can.

@m<—1hoéem>1. Blm<1,m#0vam#—>=
@ V6i moi gia tri ctia m. @m > 0.
Loi giai.
V6i m = 0 ham s6 khong xac dinh. Do d6 m # 0
r+1 1 z+1 —1
Tac6 lim y= lim va lim y= lim —
T—+00 T—+00 \/m2$2 +m—1 |m| T——00 T——00 \/m2x2 +m-—=1 |m|

= d6 thi ham s6 c6 hai dudng tiém can ngang.
Dé do thi ham s6 c6 bén duong tiem can thi can tim m dé do thi ham s6 c6 hai dudng tiem can
diing, nghia 1a can tim m dé phuong trinh g(z) = m?2% + m — 1 = 0 ¢6 hai nghiém phan biét khac

m <1
\ A=—-4m*(m—1)>0
Diéukién{ mgm ) o ym70 2)
g(=1)=m"+m—-1%#0 145
m# ————
2
m <1
Két hop (1) va (2) ta co m 70 :
—1++5
m%T
Chon dap an (B) O

Cau 19. Cho hai vi trf A, B cach nhau 455 m, ctiing nam vé mot phia bo song. Khoang cach tir A
va B dén bo song lan lugt 1a 89 m va 356 m. Mot ngudi mudn di tit A dén bs song dé 1ay nuée mang
vé B (nhu hinh vé). Doan dudng ngan nhat ma ngudi d6 c6 thé di la (két qua lam tron dén hang
don vi).

@ 570 m.

(A)592m.
Lai giai.
Goi CM = x. Ta c6:
CD = /445% — (356 — 89)2 = 356
Dat f(z) = Va2 + 892 + /(356 — )2 + 3562

, 2x 2(356 — )

Sy ) = R 2356 = 2 £ 550
Ham s6 dat gia tri nhoé nhat 1a 570 tai x = 71,2.
Chon dap an @
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Cau 20. Goi S la tap tat ca cac gia tri thyc ciia tham sé m dé dudng thing y = m cit do thi ham
s6 y = x> — 322 tai ba diém phan biet A, B, C (B nim giita A va C) sao cho AB = 2BC. Tinh tong
tat ca cac phan tit clia S.

T—\7
(A)o. B) —2. © 7‘/_. D] —4.
Loi giai.
Xét phuong trinh hoanh do 2% — 32% = m & 2% — 322 —m = 0. (1)
1+ To + T3 = 3

Goi r1 < x9 < x3 14 cdc nghiém ctia phuong trinh (1). Theo Viet ta ¢6 { z122 + 2223 + 2321 = 0

T1T2T3 = M.
Vi B nam gitta A va C nén A(z1;m), B(xg;m), C(x3;m) hodc A(xz;m), B(xe;m), C(x1;m).
o Xét A(zy;m), B(xg;m), C(xs;m):
AB =2BC = 29 — 21 = 2(.%'3 — l'g) = 11 = 3x9 — 2x3. Xét hé phu’dng trinh
31’2—21‘3+ZL‘2+I‘3:3 I3:4l'2—3
(3$2 — 2:63)132 + To3 + .T3<3JI2 — 2I3) =0 (6 — 51’2)1’2 + $3(4I2 — 2$3) = 0.

T+ T
Xét phuong trinh (6 — 5xg)wy + 23(4xe — 273) = 0= 723 — 142y + 6 =0 = 29 = 7\/_.
CTHAVT
3 7T+ W= —98 — 20v/7
— V6i 29 = = > m=—.
7 7—5V7 7
T = ——
' 7
T—\T7 7T—4V7
NGy = VT TEAVT (Loai).
7 7
o Xét A(xg;m), B(za;m), C(xy;m):
AB =2BC = x3 — 19 = 2(xy — 1) = 3 = 3x3 — 2x1. Xét hé phuong trinh
3xy — 221+ 2o+ 21 =3 T, = 4x9 — 3
=
(31‘2 — 21’1)1‘2 + Toxq + 271(3232 — 21‘1) =0 (6 — 5$2)$2 + x1(4:v2 — 2$1) = 0.
) . ) T+V7
Xét phuong trinh (6 — 5xg)xe + 21 (dxe — 221) = 0= Ta; — Mdxy + 6 =0 = x5 = =
7 7 7+ 47
NG e VT L THAVT (Loai).
T 4VT
. 7T—\T Tr=—"0 —98 + 20V/7
— V6i zy = = >m=——",
7+ 57 7
I3 = ———
7
Vay tong cac phan ti ctia S 1a —4.
Chon dap an @ O

BANG DAP AN

1. A2 AJ||3&. D4 BJ|5. D|6. B J||7. B [|8& A 9. A ||[10. D
11. D [|12. D |[13. B ||14. C ||15. B ||16. C |[[17. A ||18. B |[19. D ||20. D
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. 2 .
Cau 1. Cho ham so y = x_—l—l Ménh de nao dudéi day dang?
x _—

Ham s6 nghich bién trén céc khoang (—oo; 1) va (1;400).
Ham s6 nghich bién trén (—oo; 1) U (1; +00).
@ Ham s6 dong bién trén cac khodng (—oo; 1) va (1; +00).
@Ham s6 dong bién trén khoang (—oo; +00).

Loi giai.

-3
Ta cé ¢y = 5 <0,Vz # 1.

(e —1)

Do d6 ham s6 da cho nghich bién trén cac khodng (—oo;1) va (1;+00).
Chon dap an @ O

Cau 2. S6 diém cuc tri ctia do thi ham s6 y = —2* + 222 + 2018 1a

[A]3. ® 1L ©2. D)4.

Loi giai.
Ta co6: v = —4a3 + 4x.
rz =0
Khidoy =0«< |z=1
r=—1.
Bang bién thién
T —00 —1 0 1 +00
f'(x) + 0 — 0 + 0 —

2019 2019

ol N TN

Dua vao bang bién thién suy ra do thi ctia ham s6 c¢6 3 diém cuec tri.
Tric nghiém: Via-b= —2 < 0 suy ra do thi ham s6 c6 3 diém cuec tri.
Chon dép an (A) O
Cau 3. Cho ham s6 y = f(x) xac dinh trén tap 2. Khing dinh nao sau day la ding?
@Néu f(z) < M,Vr € 2 thi M la gia tri 16n nhét clia ham s6 y = f(x) trén 2.
Néu f(z) < M,Vx € 9 va Jzy € P sao cho f(xg) = M thi M la gia tri 16n nhat ciia ham s6
y = f(z) trén 2.
(C)Néu f(z) > M,V € 2 thi M 1a gid tri nho nhit ciia ham sb y = f(z) tren .
@Néu f(x) < M,Vx € 9 thi M 1a gia tri nhé nhat ciia ham s6 y = f(z) trén 2.
Lo giai.
Theo dinh nghia sach gido khoa giai tich 12 ctia nha xuat ban gido duc: Cho ham s6 y = f(z) xac
dinh trén tap Z.

2018

(@) S6 M duge goi la gia tri 16n nhat ctia ham s6 y = f(z) trén tap Z néu f(xr) < M v6i moi ©
thuoc 2 va ton tai zg € Z sao cho f(xg) = M.

(2) S6 m dugc goi la gia tri nhé nhét ctia ham s6 y = f(z) trén tap £ néu f(z) > m véi moi z
thuoc 2 va ton tai zg € 2 sao cho f(zg) = m.
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Vay “Néu f(z) < M, Vz € 2 va 3zg € 2 sao cho f(zg) = M thi M la gia tri 16n nhat ctia ham s6

y = f(z) tréen 2”7 dung.

Chon dap an O

Cau 4. Db thi ham s6 y — =
r+1

@$:2. y:2. @y:—5. @mz—l.

Lo gidi.

Ta c6 tiém can ngang ciia do thi la y = 2.

Chon dap an O

Cau 5.

Do thi sau day 1a ctia ham sd nao?

ot

¢6 tiém can ngang la

Y
By st By o e
[Cly = —a® + 322 @y:x3—3:p2 1
2t-- |
Lol e
ol 1 2 3\
Loi giai.
Dura vao do thi, ta c6: lim y = 400 va lirf y = —oo suy ra a < 0.
Ham s6 ¢6 2 cie tri nén b? — 3ac > 0, suy ra d6 1a do thi ctia ham s6 y = —a3 + 322,
Chon dap an @ O
Cau 6. Do thi ham s6 y = T _T_ . cit truc tung tai diém c6 toa do
T

(0;=5). (5:0). © (-5:0). D) (0:5).
Loi gidi.
Toa do giao diém clia y = — 7 véi truc tung la nghiém cua hé phuong trinh

rT—25
_ -0
Y r+1 & {$
x=0 y=-5

Vay toa do giao diém can tim 1a (0; —5).
Chon dap an @ O

Cau 7. Ham s6 y = 2® + 322 + 1 nghich bién trén

(A)R. (—o0; —2). (—2;0). (D) (0; +00).
Léi gidi.
Ta c6 3y = 3a% + 62.

) =0
Khi d6 ¢ = 0 & [ .

T = -2

Bang bién thién

x —00 —2 0 +00
! + 0 - 0 +
) +00
Y / \ /
—00 1
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Duya vao bang bién thien, ham s6 y nghich bién trén (—2;0).
Chon dap an @ O
Cau 8.

Cho ham s6 y = f(z) c6 dd thi nhu hinh bén. Tim s6 diém cyc tri clia y
ham s y = f(x).

(A)1. B)2. (©)4. D] 3.

Loi giai.
Tt do thi ham s6 da cho ta thay ham s6 c6 3 diém cuec tri.
Chon déap an @ OJ

Cau 9. Cho ham sb f(z) c6 bang bién thién nhu hinh vé. Diém cyc tiéu ctia ham s6 da cho 1a

T —00 -1 0 +00

f'(z) + 0 - 0 +

-2 400
—00 -3
@x:—B. ZE:(). @x:—l. @x:—Q.

Loi giai.
Dua vao bang bién thién, diém cyc tiéu ciia ham sb da cho la z = 0.

Chon dap an O
Cau 10. Gia tri 16n nhat va gia tri nhdé nhat cia ham s6 y = f(x) = 22% — 622 + 1 tréen doan [—1; 1]
lan luot 1a

(A)2 va —7. 1va —T7. (C)—1va —T. (D)1 va —6.

Lai gidi.

r=0¢€(-1;1)
r=2¢(-1;1).
Suy ra y(—1) = =7,y(0) = 1,y(1) = —3.

Vay maxy =1 va miny = —7.
(-1;1] [—151]

Chon dap an O
Cau 11. Cho ham s6 y = f(z) ¢6 bang bién thien dudi day.

Ta c6 y = 622 — 1227y =0 &

T —00 0 2 +00
Yy’ - - 0 +
2 +00 +00
y \ \ /
—00 2
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Khang dinh nao sau day la ding?

(A)Ham s6 ¢6 gia tri nho nhat bing 2.

f(=5) < f(4).

(C)Ham s6 dong bién tren khoang (0; +00).

@Du@ng thing x = 2 14 duong tiem can ding ctia do thi ham s6..
Loi giai.
T bang bién thién ta thay f(—5) < 2 va f(4) > 2 neén f(—5) < f(4).
Ham s6 khong c6 gia tri nhd nhat.
Do thi ham s6 chi c¢6 duong tiem can ding la duong thing « = 0.
Ham s6 nghich bién trén (0;2) nén khong dong bién trén khoang (0; +00).
Chon dap an O
Cau 12.

. b
Cho ham so6 y = ar +
xr+c

nguyén. Tinh gid tri clia bieu thic T = a — 3b + 2c.

AlT=-9 ®T=10. ©T=-7 OT=12

c6 do thi nhu hinh vé véi a, b, ¢ 1& cac s y

Loi giai.
Dua vao do thi ta co:
Tiém can ngang y = —1 & a = —1.
Tiem can dingr =1« —c=1=c= —1.
D06 thi ham s6 cat truc hoanh tai (2;0), suy ra2a+b=0= b= 2.
Do do, T=—1—6—2=—9,
Chon dap an (A) O
Cau 13.
Cho ham s6 y = az* + bz? 4+ ¢ ¢6 do thi nhu hinh vé ben. Khing dinh nao sau y
day dang?
(A)a<0,b>0,¢>0. Bla>0,b<0,¢>0.
©a>0,b<0,c<0. @a>0,b>0,c>0.

Loi gidi.
Nhin vao do thi ta thay

e lim y =400 néna > 0.
T—Fo00

e DO thi ham s6 cit truc tung tai diém c6 tung do duong nén ¢ > 0.
e DO thi haim s6 c6 ba cyc tri nén a - b < 0 suy ra b < 0.

Vay a > 0,0 <0, ¢ > 0.
Chondémpém O
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Cau 14. Viét phuong trinh tiép tuyén ctia dd thi ham s6 y = f(x) = —2® + 3z + 1 tai giao diém
ctia do thi véi truc tung.
@ysz—l. y:3:r+1. @yz—&r—kl. @yzl.
Loi giai.
D6 thi ham s6 cit truc tung nén giao diém c6 hoanh do bing 0.
Thé x =0 vaoy = —23 + 3z + 1 ta dugec y = 1.
Do d6 giao diém ctia dd thi ctia ham s6 v6i truc tung 1a diém A(0; 1).
Goi A la tiép tuyén ctia dd thi ham s6 tai diém A(0;1)
= A:y=f(0)(z—0)+1
= A:y=3z+1.

Chon dap an (B) O
Cau 15. Cho ham s6 f(x) ¢6 bang xét ddu dao ham nhu hinh bén dudi
v |-oc -3 —2 0 1 3 +00
f(@)] - 0 4+ 0 - 0 - 0 + 0 -

Ham s6 y = f(1 — 2z) dong bién tren khodng

S0 e el o)

Loi giai.

Taco:y =-=2f(1—-22) >0« f'(1—-22)<0
1— 27 < —3 v =22

T bang xét dau taco f'(1—22)<0& | —2<1-22<1 & 0<x<g
1— 22 >3 v

Z 2 Z 3
Tu day ta suy ra ham so dong bién trén khoang (0; 5)
Chon dap an @ O

Cau 16. Tim tat ca cac gia tri thuc ctia tham s6 m sao cho do thi ctia ham s6 y = z* 4+ 2ma? + 1
c6 ba diém cuc tri tao thanh mot tam gidc vuong can.

1 1

m=—. m=——. Clm=—1. m = 1.
Loi giai.
. z=0
Tacoy':4x3+4mx20<:>[2 )
¢ =—-m
Khi dé dé do thi ham s6 c6 ba cuc tri thi ¥’ = 0 phai c¢6 ba nghiem thuc phan biét hay m < 0 va ldc
do
z1 =0 Y1 = 1
Y =0& |zo=—V/—m= |yp=1-—m?

v=vom lp=1-mt

Ba cuc diém cuc tri ctia do thi ham s6 A (0;1), B (—\/—m; 1-— m2) va C (\/—m; 1— m2) ludn tao
thanh mot tam gidc can tai A. Vay dé yéu cau bai toan dugc théa man thi

ﬁwél—c*):O(:)m—l—m‘l:O(:)
m = —1.

Vay so vé6i diéu kién ta chon nghiem m = —1 .
Chon dap an @ O
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3z +1

trén

Cau 17. Goi M, m lan lugt 1a gi& tri 16n nhat va gia tri nhd nhat cia ham s6 f(z) =
doan [2;5]. Tinh P = Mm.

@P_ll B) P = 35. (C) P = —28. D] P = 28.
Loi giai.
Tap xac dinh 2 =R\ {1}.
f’(x):ﬁ<0,wc7él.
Ma f(2) =7, f(5) =
Nén M = max f(z) =7, m = min f(z) = 4, suy ra Mm = 28.

[2;5] (2;5]
Chon dap an @ O
Z Z i bY P - 2
Cau 18. Tim tat ca cac gia tri ciia tham so m dé do thi ham so y = 5 v n ¢6 dung ba duong
2 —mzx
tiém can. .
@m# 2. ®me (-
=
(©m € (—o0; —2) U (2; 400). [D]m € (—o0; —2) U (2; +00) Vam#;
Loi giai.
—9 .
Do lim e S 0 nén do thi c6 duing mot tiém can ngang la y = 0.

z—toox? —ma + 1
Nén dé c6 ding ba dudng tiem can thi do thi phai c6 ding hai duong tiém can ding. Suy ra phuong
trinh 22 — ma + 1 = 0 ¢6 hai nghiém phan biét khac 2

A0 mE—4>0 m € (—oo; —2) U (2;400)
= = =
22—m-2+1#0 5—2m#0 m%g.

Chon dap an @ 0

Cau 19. Ong Khoa muén xay mot céi bé chita nudc 16n dang mot khéi hop chit nhat khong nép cé
thé tich bang 288 m®. D4y bé 1a hinh chit nhat cé chiéu dai gap doi chiéu rong, gia thué nhan cong
dé xay bé la 500000 dong/m?. Néu ong Khoa biét xac dinh cac kich thude ctia bé hgp 1f thi chi phi
thué nhan cong sé thap nhat. Héi ong Khoa tra chi phi thap nhat dé xay dung bé dé la bao nhieu?
(biét do day thanh bé va day bé khong dang ké).

@ 90 trieu dong. 168 tricu dong. @ 54 trieu dong. [D] 108 tricu dong.
Loi giai.
Goi chiéu rong clia day bé 1a x (z > 0) suy ra chiéu dai ctia day bé 1a 2.
Do thé tich ctia bé 1a 288 m® nén chiéu cao ctia bé la: h = Zi:j = %
Nén dién tich can xay la: S(z) = 22% + 2zh + 2 - 2z - h = 22% + @

Dé chi phi 1a thap nhat thi S(z) 14 nho nhat.

432 432 432 432
S(x):2:1:2+i+123-€/2x2-i-i:216.
x x x x

. 432
Dau “="xdy ra < 22> = — < 1 = 6.
x

Vay chi phi thap nhat dé xay dung bé 1a 216 - 500000 = 108.000.000 dong.
Chon dap an @ O
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-3 . .
Cau 20. Cho duong cong (C): y = z 1 va duong thang d: y = z + 3m (v6i m 1a tham s0). Tim

x
tat ca cac gia tri cia m dé d va (C) cat nhau tai hai diém phan biét A, B sao cho trung diém I clia
AB ¢6 hoanh do bing 3.

@m:(]. m:—l. @mzl. @mz—?.
Loi giai.
Phuong trinh hoanh d6 giao diém ctia (C) va d:

Tz —3

=2+ 3m & 2>+ 3mz +3m + 3 = 0. (%)
z+1

Dé (C) cat d tai hai diém phan bigt thi phuong trinh (%) ¢6 hai nghiém phan biét, khi d6

m > 2

A=0Bm)?—4Bm+3)>09Im* - 12m - 12> 0« )
m < —=.
3

Goi x1, T3 1a nghiém ctia phuong trinh (%) thi 2y, o 13 hoanh do cia céc giao diém A, B.
Theo dinh 1i Vi-ét ta c6 z; + 29 = —3m.

Vi T I trung diém ciia AB nen z; — “;’”B _n "2”"2 - —%m — 3o m = —2 (théa man).
Chon dép an (D) O
BANG PAP AN
1. All2. A][3. B4 B C || All7z. c[s. D] B |[10. B |
[11. B |[12. A ][13. B |[14. B |[15. A ][16. C |[17. D |[18. D |[19. D |[20. D |
Cau 1. Cho ham s6 y = f(z) c6 bang bién thien nhw sau

r | —oo —1 0 1 +00

% + 0 — 0 - 0 —

N

Ham s6 da cho nghich bién trén khoang nao duéi day?
@ (0;1). B (-1;1). ©) (—o0; -1). D] (1; +00).
Loi giai.
Qua bang bién thien ta thay, ham s6 da cho nghich bién tren cac khoang (—1;0) va (1;+00).
Chon déap an @ O

Cau 2. Cho ham s6 y = f(x) ¢6 bang bién thien nhu hinh vé
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x —00 —1 0 1 +00
Y + 0 — + 0 —
2 3
—00 -1 -1 2

Hoi ham s6 ¢6 bao nhiéu diém cuc tri?
@ C6 mot diém. C6 bon diém. C6 hai diém. @ C6 ba diem.
Lo gidi.
Ham s6 c6 3/ doi dau tit duong sang am qua x = +1 va y = f(x) xac dinh tai z = %1, suy ra ham
s6 ¢6 hai diém cuc dai x = +1.
Nhan xét: tai = 0 thi ¢/ d6i dau tit am sang duong, nhung khong xac dinh tai ¢ = 0 nén 2 = 0
khong 1a diém cuyc ticu clia ham s6.
Chon dép &n (C) O

Cau 3.
Cho ham s6 y = f(x) lién tuc trén doan [—3;4] va ¢6 y
do6 thi nhu hinh vé bén. Goi M va m lan lugt 1a cac gia
tri 16n nhat va nhé nhat ctia ham sé da cho trén doan
[—3;4]. Tinh M + m.

3;4]
(A)7. B)s. ©1. [D]5.

x
Loi giai.
L . M =
Dua vao do thi ham so ta ¢6 0 = M+m=>5.
m =
Chon dap én (D) O
2 P bY Zz 1 - 4
Cau 4. Duong thang nao dudi day la tiém can ngang ctia do thi ham so y = 5 f
’I —
1
@y:4. y:§. ©y=2. @y:—z
Loi giai.
1
44 =
1—4
Ta c6 lim ® — lim L — _2
r—+00 2(]} -1 r—Fo00 9 _ 1
N Z ‘T
Do do, do thi ciia ham s0 ¢6 tiém can ngang la y = —2.
Chon dap an @ O
Cau 5.
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Duong cong trong hinh vé bén 1& do thi clia ham s6 nao duéi day?

@y:—x3+3x2+5. y:x3—3x+5.
@y:x4—2x2. @y:x3—3x2+5.
x

Loi giai.
Duong cong hinh bén la do thi ham bac ba y = az® + bx? + cx + d (a # 0).

e Co lim y= +4oo=-a>0.

T——+00

e Di qua diém (2;1).
Suy ra ham s6 théa man la ham s6 y = 2® — 322 + 5.
Chon dap an @ OJ

) R . 2 1 . )
Cau 6. Duong thang y = 2242019 va do thi ham so y = T ¢6 tat ca bao nhiéu diem chung?
:C R
@ ®)o. ©s. [D]2.
Loi giai.
Phuong trinh hoanh do giao diém ciia duong thang va do thi ham s6 da cho la
20 +1

€xr —

= 27 42019 < 2z + 1 = (2 + 2019)(z — 1) < 227 + 2015z — 2020 = 0.

Phuong trinh trén c6 hai nghiém nén dudng thang y = 2z + 2018 va do thi ham s6 da cho c6 hai
diém chung.
Chon dap an @ O

. 1 N
Cau 7. Cho ham s6 y = gx?’ + 2+ 2. Ménh dé nao duéi day dang?
Ham s6 dong bién trén khoang (—oo; +00).
Ham s6 nghich bién trén khoédng (—oo; 1) va dong bién trén khoéng (1; +00).
(C)Ham s6 dong bién tren khodng (—oo0; 1) va nghich bién trén khoang (1; 400).
@Ham s6 nghich bién trén khoang (—oo; +00).
Loi giai.
Tap xac dinh ctia ham s6 1a 2 = R.
Tac6y = 2%+ 1> 0 v6i moi z € R.
. 1 . .
Do d6 ham s6 y = §$3 + x + 2 dong bién trén khodng (—oo; +00).
Chon dap an @ O
Cau 8.
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Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé ben. Ham s6 da cho dat cyc y
dai tai

@le. LE:—Q. @sz. @x:—l.

Lo giai.
Tit do thi suy ra ham s6 da cho dat cyc dai tai z = —1.
Chon dap an @ O
Cau 9. Cho ham s6 y = f(z) xac dinh,lién tuc trén R\ {1} va ¢6 bang bién thién nhu hinh vé
T —00 -1 0 1 +00
Y + 0 - 0 + -
1 400 | +00

Menh dé nao dudi day sai?

Ham s6 c6 diém cyc dai bang 1. Ham s6 c6 diém cuc tiéu bang 0.
@ Ham s6 c6 gia tri cuc dai bang 1. @Ham s6 ¢6 2 cuc tri.
Loi giai.
Dua vao bang bién thién ta thay ham s6 c6 diém cyc dai x = —1.
Chon dap an @ O

Cau 10. Gia tri nhé nhat ctia ham s6 y = 23 + 322 — 5 trén doan [—1; 3]

1a
@ min y = —7. [mli‘g]y = —3. [mli% y = —H. @ [mj.n y = 49.

[—1;3] 1;3]
Loi giai.
Ta c6 v = 322 + 6.
=0 r=0¢€[-1;3
r=-2¢[-1;3].

C6 y(0) = —5,y(—1) = —3,y(3) = 49.

Vay min y = —5.
ay min y

Chon dap an @ O
Cau 11. Cho ham s6 y = f(z) lién tuc trén R\ {1} ¢6 bang bién thién nhu hinh vé.
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x —00 —1 1 +o0
Y — 0 + +
1 +00 1
V3 .

Téng s6 dusng tiém can ding va dudng tiém can ngang ciia do thi ham s6 y = f(2) 1a
2. B)3. (C) 4. D)1.
Loi giai.
Dita vao bang bién thién ta c6 cac gidi han lim y =1 va lim y = —oo, lim y = +oo. Tt d6 suy
T—>0o z—1+ z—1—
ra do thi ham s6 c6 mot tiem can diing l1a duong théng x = 1 vA mot tiém can ngang la duong thing
y = 1. Nén do thi ham s6 y = f(z) ¢6 hai duong tiem can.

Chon dap an @ 0
Cau 12.
Do thi hinh bén 1a do thi ctia ham s6 nao trong ‘ y
cédc ham sb sau'l? 2 4+ 1 i
x — x |
@y_gﬁé y_m+31‘ }
T+ T+ !
©y_x+1' @y_l—x' 1
| 2
: O
1 T
Loi giai.
Dira vao do thi, ta thay y = 2 1a tiém can ngang va x = —1 1a tiém can ding ctia do thi ham s6, do
) o r—1 . T +3
do ta loai dap an y = va dap an y = .
z+1 11—z 5 5
Ta nhan thiy ham s6 dong bién trén cac khoang xac dinh clia n6 nén loai dap an y = wi—l .
x
Chon dap an O

Cau 13. Cho ham s6 y = f(x) c6 bang bién thién nhu hinh bén. Ham s6 y = f(z) 1a ham s6 nao
trong cac ham sau day?
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x —00 —1 0 1 +00

Y - 0 + 0 - 0 +

NN

y:x4—2x2—3. y:—x4—|—2m2—3.

@y:x4+2x2—3. @y:—ix‘*—l—BxQ—B.
Loi giai.
Theo bang bién thién ta thay, do thi ham s6 c6 3 cue tri nén loai ham s6 y = x* + 222 — 3.
Chiéu Parabol quay lén trén nén loai hai ham s6 y = —2* + 222 -3 vay = —%x‘l + 322 — 3.
Chon dap an @ OJ

Cau 14. Phuong trinh tiép tuyén ctia dd thi ham s6 y = f(z) = (22 — 1)° tai diém M (2;9) la
(A)y =6z —3. B)y = 6z + 21. [C]y = 24 — 39. D)y =8z —1.
Loi giai.
Ham s6 y = f(z) = (22 — 1)% ¢6 ¢/ = 4z (22 — 1).
Khi d6 f/(2) = 24.
Do d6 tiép tuyén tai M(2;9) clia dd thi ham s6 y = f(z) = (22 — 1)* 1a
y=24(x —2)+9 e y=24r — 39.
Chon dép &n (C) O
Cau 15.
Cho ham s6 y = f(x). Do thi ham s6 y = f/(x) nhu hinh y
bén dudi.
Ham s6 g(z) = f(3 — 2z) nghich bién trén khoang nao
trong cac khoang sau?

Q) (~1; +00). (—o0:—1).

2
©1;3). D) (0;2). ][2 5 \/ g

Loi giai.
T =2
Dua vao do thiy = f/(z) ta cé: f/(z) =0& |z =2
T =95
Bang xét dau:
xr | =00 -2 2 Y +00
7(z) 0+ o oy

Ta c6: ¢'(x) = =2 f'(3 — 2x).
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1
3—2r =2 =3
J#)=0& |3-20=-2& | _5
3-2r=5 %
r=—1
Bang xét dau:
1 5)
r | —oo —1 = = +00
2 2
q'(v) - 0 + 0 - 0 +
SN P . .2 o , (1 5
Vay ham s6 g(x) nghich bién trén cac khodng (—oo; —1) va <§ ; 5)
Chon dap an O

z 2 £ ]-

Cau 16. Tim gia tri thuc clia tham s6 m dé ham s6 y = 51:3 —ma? + (m? — 4)z + 3 dat cuc dai tai
r = 3.

m:5. m:—5. @mzl. @m:—l.
Lai giai.
Ta c6 y = 2% — 2ma + (m? — 4).

. ) . . m=1
Dé ham s6 dat cyc dai tai x = 3 thi dicu kien can 1a y/(3) =0 & m? —6m+5=0 &
y'(3)=0
y'(3)>0

m = 5.

V6im =1thiy =22 22 —3,y" = 20 —2. Khi do6 { do d6 ham s6 dat cuc tiéu tai z = 3.

"(3) =0 .,
Véi m =5 thi ¢ = 22 — 10z — 21,y” = 22 — 10. Khi d6 {y,,((g)) <0 do d6 ham so dat cuc dai tai
Yy
r = 3.
Vay v6i m = 5 thi ham s6 da cho dat cic dai tai x = 3.
Chon dép an (A) O

Cau 17. Tong cac gia tri nhé nhat va 16n nhat ctia ham s6 y = v/2 — 22 — x bang
[A]2 - V2. B)2+ V2. ©1. (D)2.
Loi giai.
Tap xac dinh ciia ham s6 2 = [—\/5; \/5]
., x T+ V2 —a?
Tacoy = ——e 1= -,
V2 — a? V2 — a2

Xét ¢y = 0 suy ra

T+V2—22=0 & 2 — 22 =—x
=

—x>0 <0
{Q—mQZxQ@{f—l:O
x <0
& r=1 &zr=-1
&

Ta c6 bang bién thien:
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V2 —V2

Dua vao bang bién thién suy ra miny = —v/2 va maxy = 2. Do d6 miny + maxy = 2 — /2.
Chon dap an @ OJ
R \ . 1
Cau 18. C6 bao nhiéu gia tri nguyén m € (—3;3) sao cho do thi ctia ham s6 y = % ¢6 hai
mx* +
tiém can ngang?
@o. ®)s. ©1 D]2.
Loi giai.
r+1
ma? 4+ 1
- Néu m = 0 ham s6 tré thanh y = x + 1 do d6 khong c6 tiém can ngang.

. 1 1
- Neu m < 0 thi tap xac dinh ¥ = (—\/——; \/——).
m m

Suy ra do thi ham s6 khong c6 tiém can ngang.
- Néu m > 0 thi tap xac dinh 2 = (—o0; +0).

Xét ham s6 y =

1+—
4 .. . r+1 1
Khidotacs lm y= lm “m=me= lm_ \/7 ~Um
m—+ —
22
1+—
1
va lim y = lim x—i— = lim

=400 y T—+00 \/mxz 2o
X

Do d6 do thi ham s6 luén c6 hai tiém can ngang.
Dé théa man bai todn m € (—3;3) va m nguyén suy ram = 1, m = 2.
Chon dap én (D) O

Cau 19. Cho ham s6 y = |22 + 22 + a — 4|. Tim a dé gia tri 16n nhat ctia ham s6 trén doan [—2;1]
dat gia tri nho nhat.

@azl. a:3. @a:4. @azZ.
Lo giai.
Xét ham s6 g(x) = 2° + 2x + a — 4 trén doan [—2;1], ta c6 ¢'(z) =2 +2va ¢ (z) =0 v = —1.
Talai c6 g(—2) =a—4, g(—1) =a—5 va g(1) = a — 1 nén gia tri I16n nhat va nhd nhat cha g(x) 1a
a—1vaa-—>.
T d6 suy ra gia tri 16n nhat cia y = |g(z)| 1a max{|a — 1|;]a — 5|}
Goi M 1a gia tri 16n nhat ctia ham s6 da cho, ta c6

M > Ja—1
=2M >|a—1|+|b—a|>]a—1+5—a|=4= M >2.

M > |a—5|
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Dé gi4 tri cia M nhé nhat thi M = 2.

P , Cfla=1]=]a—=5]=2
Dau bang xay ra khi & a=3.

(a—1)(5—a)>0
Chon dap an OJ
Cau 20. Cho d6 thi (C): y = 2° —62% + 10ma +m? — 18m + 22 va dudng thang d: y = mx +m? +6,
trong d6 m 1a tham s6 thuc v m < 1. Biét rang duong thing d cat do thi (C) tai ba diém phan bict
M, N, P. Tim gia tri nhé nhét ctia tong cac khoang cach tit M, N, P dén truc hoanh.

(A)21. 15. (©)18. (D)12.
Loi giai.
Xét phuong trinh hoanh do giao diém ctia (C) va d

22— 622+ 10mx +m? —18m +22 =mx +m? + 6 < 2% — 622 + 9mx — 18m + 16 = 0.

Phuong trinh tuong duong (z — 2)(z? — 4z + 9m — 8) = 0.
Dé dudng thing cit do thi ham s tai ba diém phan biet thi phuong trinh 2% — 4z + 9m — 8 =0 ¢6
hai nghiém phan biét khac 2. Hay

m < —.

AN=4-9m+8>0 - 4
22 —4-249m—8+#0 3

Gia st M(2;m? 4+ 2m + 6), N(zn; may + m? + 6), P(xp;mzp +m? + 6) 1a toa do cac giao diém.
Khi dé6 tong khoadng cach tit M, N, P dén truc hoanh la

P = |m®+2m+ 6|+ |may +m?+ 6| + |mxp + m> + 6|
= m’+2m+ 6+ |mxy +m® + 6| + |mxp +m® + 6]

m? 4+ 2m + 6 + |m(zx + xp) + 2m? + 12

= m®+2m+ 6+ [2m* + 4m + 12|

3m® + 6m + 18

3(m+1)*+15 > 15.

v

Dau bang xay ra khi

m = —1 m=—1
=
(may +m? +6)(mxp +m*+6) >0 (7T—an)(7T—axp) > 0.
Xét bat phuong trinh
(T—an)(T—2xy) >0 49 —T(zy +2on) +xpyaey >0 49—-7-44+(9IMm—-8) >0 4 > 0.

Vay gia tri nhé nhat ctia P bang 15.

Chondépém OJ
BANG PAP AN

1. DJ[2. C]|3. D|l4. D]|5. Dll6. DI[7. A][s. DJl9. A]l10. C]
[11. A J[12. B |[13. A {14 C][15. B ][16. A ][17. A |[18. D |[19. B |[20. B |
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CHUONG 2. HAM SO LOY THUA, HAM SO M0 VA
HAM SO LOGARIT

KHUNG MA TRAN

L CAP PO TU DUY
CI;IU DE - - - - CONG
CHUAN KTKN Nhan Thong Van Van
biét hiéu dung dung cao
Cau 1 Cau 2 2
(1) Ly thita
10%
_ Cau 3 Cau 4 3
(2) Ham liay thira
Cau b 15%
. Cau 6 Cau 8 Cau 10 5
(3) Logarit
Cau 7 Cau 9 25%
(4) Ham s6 mii, ham sb Cau 11 Cau 12 2
logarit 10%
@ Phuong trinh ma va Cau 13 Cau 14 Cau 16 4
logarit Cau 15 20%
(6) Bat phuong trinh mi va Cau 17 Cau 18 Cau 19 Cau 20 4
logarit 20%
X 6 6 6 2 20
Cong
30% 30% 30% 10% 100%
BANG MO TA CHI TIET NOI DUNG CAU HOI
CHU DE CAU| MUC DO MO TA
Chi dé 1. Liy 1 NB Tinh lay thita don gian.
thua 2 VDC Rit gon biéu thic.
. 3 TH Biét tim tap xac dinh ctia ham s6 liy thia.
Chu dé 2. Ham - - — -
- . 4 VDT Tinh dao ham ctia ham so liy thia.
luy thia
5 VDT Tim tap xac dinh.
6 NB Cac quy tac tinh logarit.
Chu dé 3. 7 NB Tinh gié tri ctia biéu thic logarit don gian.
Logarit 8 TH St dung kién thtc ctia logarit dé rat gon biéu thic.
9 TH Biéu dién logarit.
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10 VDT St dung cac tinh chat dé so sanh logarit.

Biét khai niem, tinh chat, cong thitc tinh dao ham

1 NB ctia ham s6 mil - ham s6 logarit.

Chi dé 4. Ham

£ g £ Tinh dao ham ctia ham s6 mii va logarit phtc tap
so mu, ham so

VDT hon, dua vao do thi, nhan dang do thi ham sé mi

logarit 12 '
hoac logarit.
13 NB Giai duge cac phuong trinh mi, logarit co ban.
Giai duge cac phuong trinh mii, logarit don gian dua
Ls 14 TH vé cling co so.
Chu dé 5. ) N ~ . cr ae
Phuong trinh r TH Giai dugce cac phuong trinh mi, logarit don gian dat

ma va logarit an phu.

Giai dugc cac phuong trinh mi, logarit. (S6 nghiem

16 vhT ctia phuong trinh).

17 NB Giai dugc cac bat phuong trinh mi, logarit co ban.
Giai duge cac bat phuong trinh mii, logarit don gian

18 TH

(dua vé cling co 86, dat an phy).

Chi dé 6. Bat
phuong trinh ma | 19 VDT
va logarit

Giai duge cac bat phuong trinh m, logarit (tim m
thoa diéu kien).

Giai dugce bat phuong trinh mi, logarit kho; 1ai suat

20 VDG ngan hang.

@ OE KIEM TRA

Pésd 1

Cau 1. Cho biéu thiic P = v/25, v6i x > 0. Ménh dé nao dudi day la ménh dé ding?

@P:x%. P:xQ‘ P::E%. @P::L‘QO.

Lo giai.
5
Ta c6: P = Va5 = x4,
Chon dap an @ 0
2
o 9
Cau 2. Cho ham s6 f(a) = v6ia > 0,a # 1. Tinh gia tri M = f (2019%0%0).

a% (% — v a—1>
—20191010 _ 1. 20191010 4 1. (C) 201920 4 1. (D) 2019101,

L&i giai.

1
Do d6: M = f(20192020) = —1 — (20192020)2 = —] — 20191010,
Chon dap an @ O

Cau 3. Tim tap xéc dinh ctia ham s6 y = (22 — 1) 7.

(A)D =R, B)D = (—1,1).
11/2019 - Lan 4
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[C] D = R\{£1}. (D) D = (—o0; 1) U (1; +00).
Loi gidi.
Ham s6 y = (22 — 1)~ '* xac dinh khi va chi 22 — 1 # 0 & z # +1. Vay tap xéc dinh D = R\{£1}.
Chon dap an (C) O
Cau 4. Tinh dao ham cia ham s6 y = (2® — 2z + 2)\/5.

@y’ =V2(2% — 22 + 2)\/5_1. y’ = (2% — 2z + 2)\/5- (322 — 2)In /2.

@y’ = (23 -2z + Q)ﬂln\/i. D]y = V2 (2® —22+2)V" - (322 - 2).
Loi giai.
y =2 (2% -2z + 2)\/5_1 (2P =220 +2) =v2(2® - 20 + 2)\/5_1 (322 = 2).

Chon dap an @

O

1 1
Cau 5. Cho ba ham s6 y = z¥3,y = 22, y = 2. Khi d6 do thi cia ba ham s y = 2V3,y = 22,
y = o2 lan lugt la:

(A)(C3),(C2),(C1).  [B](C2),(C3),(C1).  (©)(C2),(C1),(C3). (D)(C1),(C3),(C2).

Y

(C1)

Li giai.
Nhin vao do thi (C}) ta thay né di xudng tir trai sang phai. La do thi ctia ham s6 nghich bién nén
n6 1a do thi ciia ham s6 y = 272,
Vi v/3 > 1 nén do thi ctia ham s6 y = V3 1a (Cy)
1
Do d6 (C3) 1a do thi ctia ham s6 y = z2;

Vay dap an la: B.

Chon dap an O
Cau 6. Cho a,b,c > 0 va a # 1. Khing dinh nao sau day la khang dinh sai?
@ log, (bc) = log, b + log, c. log, (b + ¢) =log, b+ log, c.
b
@loga (—) = log, b —log, c. @logab:c@b:ac.
c
Loi giai.
Ta c6: log,(bc) = log, b + log, ¢ nén B sai.
Chon dap an O

Cau 7. Cho a la s6 thuc duong khac 1. Tinh I = log, /a.

]:; B)1=3 ©1=0 D)1 =-3.
Lo giai.
Ta ¢6 I = log, /a = log, a
Chon dap an @
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Cau 8. Rit gon bicu thiic P = 321°83¢ —log. a? - log, 25, v6i a la s6 thic duong khac 1 ta dugc
(A)P=a+4. B)P=a-2 [ClP=a2—14. D) P =a*+2.
Lo gii.
Ta c6 P = (31°g3“)2 — 2logs a - 2log, 5 = a® — 4.
Chon dép &n (C) O
Cau 9. Dit a = In2, b = In3. Hay biéu dién In 36 theo a va b.
(A)In36 =a+b. B|n36=2a+20. (C)ln36=a—b (D)In36 = 2a — 2.
Lo giai.
Ta c6 In36 =1n(2?-3%) =In2? +In3? = 2In2 + 2In3 = 2a + 20.
Chon dap an O
Cau 10. Xét a va b 1a hai s6 thyc thoa man a > b > 1. Khang dinh nao duéi day 1a khiang dinh
ding?

A0 < log,uom 019 < <. 1< log, b10%0 < .
Og(l,l”( b b @ 1000 Oga b b
@ 1> 1000 1Ogb1000 a > —. @O < logblooo a0 < —

a a

Loi giai.
b

Nhan xét: a > b > 1= % >1,— < 1,log,b< 1 log,a > 1,log,b> 0,log,a > 0.
a

Ta co
55 log, b1 =log, b < 1
1000 - 10gb1000 a = lOgb a>1

logamoo 1000 — loga b<1l< %, 10ga b>0mnén 0 < logamoo b0 < %
logyi000 a1 =log, a > 1 > —
a
Chon dap an @ O

. 1\* N
Cau 11. Cho ham s0 y = <§> . Ménh dé nao sau day sai?
Do thi ham s6 luon di qua diém A(1;0).
Do thi ham s6 ddi xing véi do thi ham s6 y = log1 = qua duong thang y = .
2
@ D6 thi ham s6 nam phia trén truc hoanh.

(D)Db thi ham s6 ¢6 mot dudng tiem can.
Loi giai.

1 N Z 2
Ta c6 khi z =1 thi y = 5 nén do thi ham s6 khong qua diem A(1;0).
Chon dap an @ U
) 1 .
Cau 12. Cho ham s6 y = =2 (0 <z # 1), ménh dé nao dudi day diang?
x
1 1 1 1
@y’ +axy’ = e y’ + xy” = s 2y +xy’ = s @23/ +xy” = =l
Loi giai.
) . 1
Ta ¢6 xy = Inx , 1ay dao ham hai vé, ta duge y + zy/ = —.
x
P P Z 5 2 1 1
Tiep tuc lay dao ham hai vé ctia bieu thic trén, ta duge .y’ +y' +2y” = —— hay 2y +2y" = ——.
x T
Chon dép &n (C) O

Cau 13. Tim nghiém ctia phuong trinh 27 = 3.
@mzl. :v:2. @m:?). @x:
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Loi giai.

Ta c6: 27" =3 & v = logy, 3 = %

Chon dap an @ O
Cau 14. Tong céc nghiem clia phuong trinh log (x4 2) = logs (42 4 6) béng

OE ®B)1. (©)o. D] 2.

L&i giai.

e Dicu kién: x > —3

log 5(x + 2) = logs (4 + 6)
& logs(z + 2)* = logs (47 + 6)
Sx+2)?=4r+6
sr’=2c1==+V2

Vay phuong trinh da cho ¢6 2 nghiém.

Chon dap an @ O
Cau 15. Goi 1, x5 1a nghiém ctia phuong trinh log® z + 3logz — 4 = 0. Tinh gi4 tri cta biéu thic
A =logx; + log xs.

(A)A=3 B)A=2 (C)A=4. D] A=-3.

Loi giai.
log2x+3loga:—4:0<:>[10g$:1 @[le() .
loge = —4 r=10""
Khi d6: A =logx; + logzy = log10 +log 107 =1 — 4 = —3.
Chon dap e’m@ OJ

Cau 16. Tim s6 nghiem clia phuong trinh 47" —37+2 4 g2 +62+5 — f20° 43047 4

(A)1. B)2. (©)3. D] 4.
Loi giai.
Dit u = 4773712 5 ;9 = 4746545 5 0= y 40 = wo + 1.

. u=1 2 —3x+2=0 r=1Lzr=2
Khi do: , =

v=1 z°4+6x+5=0 r=—1;2=-5.

Chon dap an @ OJ

Cau 17. Tap nghiém ctia bat phuong trinh 3 < log, z < 4 1
(8;16). (0; 16). (C) (8; +0). (D)R.
Loi giai.
r>2°
Ta c6: 3 <logyr <4 & 4 & 8<x<16.
T <2

Chon dap an @ O
Cau 18. Nghiém ctia bat phuong trinh 16* — 4% — 6 < 0 1a

@x>log43. le. :L'glog43. @xZ?).
Loi giai.
Dat t = 4% (t > 0), khi d6 bat phuong trinh da cho tré thanh v6i t? — ¢t — 6 < 0 & —2 <t < 3. Két
hop véi diéu kien suy ra 0 < t <3 & 4% < 3 & z < log, 3.
Chon dép &n (C) O
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Cau 19. Cho bat phuong trinh: 9%+ (m—1)-3*+m > 0 (1). Tim m dé (1) nghieém diang Vo > 1

mzz. m>—g. ©m>3+2\/§. @m23+2\/§.

Loi giai.
Dat ¢t = 3%, ¢ > 3 bai toan trd thanh tim tham s6 m sao cho t* + (m — 1) - t + m > 0 nghiém dung
2

vVt >3 < > —m v6l moi t > 3.
t+1 5

Xét ham s6 g(t) =t — 24+ —— (t > 3).
é amsog(2) +t+1( )
't)=1— —— >0,Vt > 3.
q'(t) R

PR . 3
Ham so dong bién trén [3;+o00) va g(3) = 3"

R 3 3
Yéu cau bai toan tuong duong —mgé(:)mZ—ﬁ.
Chondépén@ O

Cau 20. Ong Tuan giii 9,8 tricu dong tiét kiem véi lai suat 8,4%/nam va lai suit hing nam duge
nhap vao von. Hoi theo cach d6 thi sau bao nhiéu nam ngusi dé thu duge tong s6 tién 20 trieu dong
(biét rang 1ai suat khong thay doi).
@ 7 nam. @ 8 nam. 9 nam. @ 10 nam.
Loi giai.
Ap dung cong thic: T = A(1 4 r)"
Goi P 1a s6 tién gui ban dau. Sau n nam s6 tien thu duge la: P, = P(1 4 0,084)" = P(1,084)".
Ap dung véi sb tién bai toan cho ta duoe

20 20
20 = 9,8 (1,084)" & (1,084)" = —— & n = log; 4s (9—) ~ 8, 844.

9,8 .8
Vi n 1a s6 tu nhién nén ta chon n = 9.
Chondépém@ OJ
BANG DAP AN
(1. c 2. A][3. Cll4. D] Bll6. B|[7. Alls. C] B |[10. A ]
[11. A ][12. ¢ |[13. D |[14. D |[15. D ][16. D |[17. A |[18. C |[19. A |[20. C |

wlut

©at. o)

a

Loi giai.

Ta ¢6 a3\/a = a3a? = a3*z = as.

Chondépén@ O

3+1 .
Cau 2. Chofz\/_—i_ . Gi4 tri cta bieu thuc A = z la
y  V3-1 T+ Yy
@ 2\/§ \/§+1 @\/34-1 @ \/g
V3+1 23 V3 V31
Loi giai.
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T gid thiét ta co

(\/§—1)x=(\/§+1)y<:>\/§x+l—\/§_1 2v3

y Tty
Suy ra
r V3+1
T+ 2V3
Chon dap an (B) O
Cau 3. Tap x4c dinh ctia ham s6 y = (v — l)é 1a
(&) 2 =1, +00). B) 7 = (0, +0). [C] 2 = (1,+). D) 2 = [0, +00).
Lo giai.
Ham s6 xdc dinh khiz —1>0< = > 1.
Chon dap an @ O
Cau 4. Ham s6 y = (322 — /7 + sin 2x)% c6 dao ham la
2;1:\/_—1—4\/5811123:—1 122/ + 2y/zsin 2z — 1
4 (32?2 — \/x + sin Qx) 4 (32?2 — \/x + sin 2x)%
12rf+4\/?51112r—1 12xy/x + 4y/zsinz — 1
1 @ . '
4 (3z% — \/x + sin 2x) 4 (32?2 — \/x + sin 2x)2
Loi giai.
Ta co
1171 _1
[(3902 —Vz+ Sian) 2] =3 (Sx2 — \/E—I— Sin2x)/ (3x2 —Vz+ sin2x) 2
L (6 + 2cos?2 > L
=—|6x — —= +2cos2z
2 2\/_ (322 — \/x + sin 2:5)%
Suy ra y = 122/ + 4+/2 sin 2z —11
4 (322 — \/x + sin 22)?
Chon dap an @ O
1 \03
Cau 5. Tap xac dinh ctia ham s6 y = ( ) 1a
341
A)Z=[-1,4). B Z=(-00,—1). (©Z=(-0c0,—1. [D]Z=(-1,+x).
Lok giai.
Ham s6 xac dinh khi
1
>0& >0& 1>0& 2> —1.
x4+ 1 (x+1)(x2—z+1) v v
Suy ra tap xac dinh ham s6 trén 1a 2 = (-1, +00).
Chon dap an @ O
Cau 6. Cho cac s6 thic duong a, b bat ki. Ménh dé nao dudi day dang?
|
@ln(ab)zlna-lnb. ln%:%. @ln%zlnb—lna. [D]In(ab) = Ina + Inb.
n
Loi giai.
Ta ¢6 In(ab) = Ina + Inb.
Chon dap an @ O
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, 1
Cau 7. Cho z,y > 0, gid tri bidu thic Q = %
1 1 1 1
@3 > ©7 ®;
Lai giai.
1 1 1 1
Ta 6 Q — n(xy) _ nr+mny _ 1
2nz+Iny) 2(nz+ny) 2
Chon dap an O
Cau 8. Biéu thitc thu gon clia A = logg 12 — logg 15 + logg 10 1a
(Aa)2. B)3. 1. (D) 4.
Loi giai.
. 12-10
Ta c6 A = logg 12 — logg 15 + logg 10 = logg =logg8 = 1.
Chon dap an @ O
Cau 9. Cho log, 3 = a, chon bicu thitc ding trong céc bicu thitc sau
1
(Allogy12=24+a. Blogy12=2+=.  (C)log,24=8+a.  (D)log,24 =8+ —.
a a
Loi giai.
Ta c6 log, 12 = logy 4 + log, 3 =2 + a.
Chon dap an O
Cau 10. Chon két qua dang trong cac két qua sau
@310g2—|—10g3<210g5. 310g2—10g3>210g5.
(C)log3 — 3log2 > 2log5. [D]3log2 +log3 > 2log 5.
Loi giai.
Ta c6
e 3log2+log3 =log8 + log 3 = log 24.
e 2logh = log 25.
Suy ra 3log2 4+ log 3 > 2log 5.
Chon dap an O
Cau 11. Ham s6 y = ¢**~! ¢6 dao ham la
4etrt, (4x — 1)et*=1, (C) et @ 4etr.
Lai giai.
Ta c6 (e*1) = (4o — 1)1 = 4e**—1,
Chon dap an (A) O

Cau 12. Cho ham s6 y = sin (evln“l), gia tri y/(1) la

e-cQose e-(;ose @6-1086 @6-(35086'
Laoi giai.
Ta co
(sin <em>>/ = (em)/ cos (em)
_ (M)/ <€\/1na:+1> cos (6\/lnx+1>
i +i>’1 (VBT cos (evI571)
vVinz
1
- 2zv/Inz + 1 <em) o8 <em> '
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e-cose
2
Chon dap an @ O
Cau 13. Phuong trinh 37" 3742 = 1 ¢6 tap nghiem la
[A]{1,2}. B) {1,2}. (©) {2,3}. (D){-1,2}.
Loi giai.
Ta co

Suy ra y'(1) =

32 e _3r42=0&a=11=2.
Vay tap nghiém phuong trinh 1a S = {1,2}.
Chon dap an @ O

Cau 14. Phuong trinh 277373 = § ¢6 téng hai nghiem la

(A)1. B)2. [C]3. (D) 4.
Lai giai.
Ta cb
2733 _ 8 es 4? _3r4+3=3c2=0,2=3.

Suy ra tong hai nghiem bing 3.
Chon dép an (C) O

Cau 15. Phuong trinh 4* — 3 - 2% + 2 = 0 ¢6 tap nghiém la

{0:1}. B) {1;2}. (©) {0; —1}. (D) {-1;1}.

Loi giai.

Dat t = 2%, t > 0 phuong trinh da cho tré thanh bac hai déi véi t, 2 -3t +2=0<t=1,t = 2.
o VGit=1=2"=12=0.
o VGit=1=2"=2&2=1.

Suy ra tap nghiém cia phuong trinh S = {0;1}.
Chon dap an @ O

Cau 16. S6 nghiém ctia phuong trinh logs z + (z — 1) logyx + 22 — 6 =0 (1) 1a

(A1 2. (©)3. (D) 4.
Lo giai.

e Dicu kien = > 0.
logoz+2=0 (a)

e Phuong trinh (1) < (logy @ + 2) (logy @ + 7 3) = 0 & llog2x+m—3:0 (v).

1
e Giéi (a) ta duge x = 7

e V& trai ciia (b) 1a ham s6 dong bién nén phuong trinh (b) néu c6 nghiém thi nghiem do 1a duy
nhat. Ta thiy x = 2 14 nghiém duy nhat do.
1
Suy ra tap nghiém ctia phuong trinh S = {Z’ 2} .

Chon dap an O
Cau 17. Tap nghiém ctia bat phuong trinh 2% — 8 > 0 1

@ (0; +00). (1; +00). @ (2; +00). D] (3; +00).
Loi giai.
Ta c6 2° — 8 > 0 & 2% > 23 & 1 > 3. Suy ra tap nghiém ctia bat phuong trinh 1a (3; 400).
Chon dap an @
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Cau 18. Tap nghiém ctia bat phuong trinh 2log,(z — 1) > logy(5 — x) + 1 1a
Q) (1;3). [B] (3;5). ©) (1;5). D) (3; +00).
Loi giai.
Diéu kien 1 < z < 5. Ta ¢6
2logy(x — 1) > logy (5 —x) + 1

& log, (z —1)° > log, (2(5 — z))

S —-172>2(5-1)

e1’-9>0& < -3Uz > 3.

Két hop véi diéu kién bai toan, suy ra bat phuong trinh c¢6 tap nghiem S = (3;5).

Chon déap an OJ
Cau 19. Phuong trinh 4% +2* —m =0 (1) ¢6 nghiém khi

m>(). mZO. ©m<0. @mgo.
Loi giai.

e Dit t =27, t > 0. Phuong trinh da cho trd thanh ¢ + ¢ = m. (2).

1
e Dat f)=t2+t=ft)=2+1; f/(H) =0&t= —5
t —00 —% +00
/@) - 0 +
+00 +0o0
f(t) \ 1 /
i
e Trén khoang (0; +00) ta c6 min fo,400)(t) = f(0) = 0.
Vay (1) ¢6 nghiém khi (2) c6 nghiém, suy ra m > 0.
Chon dap an @ O
Cau 20. Tap nghiém ctia bat phuong trinh log, (22 + 2z — 3) + logs(z +3) > log, z? (1)
1 5 1—+/5
<1§ +2\[>- ( 2\6;1).
1-V5 145 1-+5
: - D] | —o0; —5— ).
2 2 2
Loi giai.
Diéu kien = > 1.
r? 4+ 2x — 3
(1) < log, 213 > log, z*

& logy(z — 1) > log, 2°
sr—1>a

1-+5 1++/5
= 5 <r < 5 .

+4/5
7

Suy ra bat phuong trinh c6 nghiem 1 < z <
Chon dap an @
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BANG DAP AN
T Alz Bl6 ¢li ¢l Dbl b7 Bl <l A0 D]
[11. A J[12. A J[13. A {14 C]l15. A ][16. B |[17. D |[18. B |[19. A |[20. D |
Dé s6 3
-1 -1
Cau 1. Tinh P (%) — 2 . (Z)
2 31 141
P==. P=" P=2 P=-"—_.
@ 21 @ 48 @ 112
Loi giai
7T 3 4
Tac6 P=-—"°.~ 2
a co 5719
Chon dap z’m@ OJ
. 4% . .
Cau 2. Cho ham s6 f(x) = SEWT: (x € R). Biet a +b = 5 v6i a, b la hai s6 thuc, hay tinh
K SO+ 0= 3 128
K=_—. K=-. K =1. K=—.
@ 013 4 @ 129
Loi giai.
Ta co
K = fla)+ f(b—4)
= fla)+f(1-a)
B 4@ N 41—a
T 2440 244l-a
2474442417044
O (2449)(2+419)
2" +4"7)+8 .
C 2(4e 4 41a)y 48
Chon dap ém@ O
Cau 3. Tim tap xac dinh 2 cta ham s6 y = (2% + 22 — 3)° 2018
[A] 2 = (—00; =3) U (1; +00). @ R.
@@:R\{—i’);l}. @9 (0; 400).
Lai giai.
Vi /2018 1a s6 khong nguyén nén diéu kien 1a 22 + 22 — 3 > 0 & z € (—oo; —3) U (1; +00).
Chon dap én@ O
2
Cau 4. Cho f (z) = x+ T Tinh £2018) (7)
—x
2018! 2018! 2018! 2018!
@_ 2018 : (—z + 1)2019' ©_ 2019 @ (—z + 1)2018'
Loi glal
x? 1 1 1.2 1.2.3
Taco: f(x) = =—ao-1-——f () =—-14——; f (v) = —; [ (x) =
—2018!

Dy doan: f@0%) (z) = ———
(x —1)
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(C6 thé chiing minh tong quéat bing phuong phap quy nap. Nhung do day la bai thi Tric nghiém
nén bé qual)

Chon dap an O
3

Cau 5. Tap xéc dinh ctia ham s6 y = (2% — 3z 4+ 2)5 + (z — 3) 2 1a

(A2 =R\ {3}. [B] 7 = (—00; 1) U (2; +00) \ {3}.

© 2 =R\ {1;2}. D)7 = ( ool) (2; 400).
Lo gidi.

, 2—3z+2>0 <1Vz>2
Ham so xac dinh khi ! v v v
r—3#0 x # 3.

Vay nén tap xac dinh cia ham s6 1a 2 = (—o0; 1) U (2; +00) \ {3}
Chon dap an O

Cau 6. Cho a la s6 thuc duong khéc 1. Tinh log, 4 av/a.

3. % @% D)2.

Lai giai.
f 4 % 8
log, zav/a=log 3 a3 = g =5
Chon dap an @ O
Cau 7. Cho log, b =2 va log, ¢ = 3. Tinh gi4 tri biéu thitc P = log,(ab®c?).
(A) P =252, B) P = 251. [C] P =22 (D) P =21.
Lai giai.
Ta c6 P =log,(ab*c®) = log, a + log, b + log, ¢ = 1+ 3log, b+ 5log,c =1+ 6 + 15 = 22.
Chon dap an @ O
Cau 8. VOl hal s6 thie duong a, b bat ki. Ménh dé nao dudi day 1a ding?
2a3 1
log,2 =1+ 3log,a —log, b. log, % =1+ 3 log, a — log, b.
2 3
@log2 T =1+ glogQa + log, b. (]:Dlog2 % =1+ 3log, a + log, b.
Lo giai.
3
log, o = log, 2a* — log, b = log, 2 + log, a® — log, b = 1 + 3log, a — log, b.
Chon dap &n (A) O

Cau 9. Cho hai s6 thuc a,b > 0 théa man a? + 90> = 10ab. Ménh dé ndo dudi day la ménh dé
diang?

, b loga + logb
1og<az3 > = oga;t 082 log(a—|—3b):10ga+logb.
©log(a—|—1)+logb:1. @210g(a+36):10ga+10gb.
Lo gii.

S
Ta c6 a,b > 0 théoa man a® + 9b* = 10ab < (a + 3b)? = 16ab < (&—Z ) = 4ab.
Lay logarit co s6 10 ca hai vé clia ding thiic trén, ta dudc:
3b\? 3b
log (a—z ) = log(ab) < 2log (az ) = loga + logb < log (

a—|—3b> _ loga+logb

4 2
Chon dap &n (A) O
Cau 10. Cho ham sb f(z) = 49*". Khing dinh nao sau day la sai?
(A) f(z) >1 < z+22log,9 > 0. B) f(z) <1<z +2log,9 < 0.
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f(x) <1< logd+1log9” < 0. @f(x) <1< z(logd+1log9”) <0.
Loi giai.
Ta c6 f(z) <1< log, f(x) <log,1 & x+ 2%log, 9 < 0 < x (logd + log9%) < 0.
Chon dap an (C) O
Cau 11. Tinh dao ham ctia ham s6 y = log,(2x + 1).

2In2 2 2 1
/! J— [ J—

@y T2+l By (22 + )In2’ ©y (22 + 1)log2’ Dy 2z + )2
Lo gidi.
) " (22 + 1) 2
Apd ong thic (1 ' = ta duge y' = = :

P dung cong thite (log, u) w-lna Y (2z+1)-In2  (2z+4+1)-1n2
Chon dap an OJ

e N Z Z 1

Cau 12. Hinh vé bén duéi the hién do thi cta ba trong bon ham s6 y = 6%, y = 8%, y = = va

1
Y \/71:

Yy
(Ch) (C2) (Cs)
) x

Hoéi (Cy) 1a do thi ham s6 nao?
@y:6$. y:%. z/:il @yzS?
VT 5
Lai giai.
Ham s6 y = a® tang khi @ > 1 va gidm khi 0 < @ < 1 nén
dira vao gia thiét ciia bai toan thi (Cy) c6 thé 1a dd thi ham  (C1)

VT

Ké dudng thang z = 1 1an lugt cit (Cy), (C)) tai A va B.

. 1
séy:5—$hoacy:

1 1 N .
Do ya < yp va — < —= nén do thi (Cy) la clia ham s6 y = =

5 VT

Chon dap an @
Cau 13. Giai phuong trinh 2% = 3.

@x:log32. x:2\/§. m:10g23. @$:3\/§.
Loi giai.
Ta ¢6 2° = 3 & = = log, 3.
Chon dap an @ O

Cau 14. Tap nghiém ctia phuong trinh log (2? — 2 — 6) = log(z +2) + 4 1a

(A)3. B)1. (©)2. D] 4.

Lai giai.
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. 22 —2—-6>0
bieu kién: S x> 3.
x+2>0

Khi do

log(xQ—x—6) =log(z+2)+4
< log(x +2) +log(z — 3) + = =log(x + 2) + 4
& log(x—3)=4—zv e =4

Chon dap an @ OJ

Cau 15. Biét ring phuong trinh logs(2z) — 5log,z = 0 c6 hai nghiém phan biét x;, x,. Tinh
T1T9.

(A8 ®s. ©s. DL

Loi giai.
Xét phuong trinh log2(2z) — 5log, 2 = 0 < (1 + log, x)* — 5log, z = 0. (1)
Dit ¢ = log, x. Phuong trinh (1) tré thanh (1 +¢)*> -5t =0« ¢* — 3t +1=0. (2)

Ta thay A = (=3)> —4-1-1 =5 > 0 nén phuong trinh (2) c6 2 nghiém phan biét 1, t, théa man
tl + tg - 3
Khi d6, phuong trinh (1) ¢6 2 nghiém phan biét z1, x5 théa man t; = log, 21, to = log, 5.
Suy ra xxe = 20 . 202 = ohitte — 93 — g
Chon dap an @ O
Cau 16. S6 nghiém ctia phuong trinh 1a log, (4% — 277! + 1) = 2017 1a
Aa)2. B)3. 1. D)o.
Loi giai.
Diéu kién 4% — 2*+1 +1 > 0.
Phuong trinh tuong duong 4% — 2 - 2% + 1 = 2297 Dat ¢t = 2%, 0 < t # 1, phuong trinh tré thanh

2 —2t+1—227 —.

Vi1l — 2217 < (0 va —22017 £ 0 nén phuong trinh c¢6 hai nghiem trai dau va khac 1 (t; < 0 <ty # 1)
= phuong trinh da cho c6 1 nghiém.
Chon dép an (C) O
Cau 17. Tap nghiém ctia bat phuong trinh 32~ > 27 1a
1 1

® (5:+00). (5:+00). (©) (3; +00). (D] (2;+c0).
Lai giai.
Taco3* 1 >2T=2r —1 >3 1> 2.
Chon dap an @ O

Cau 18. Tap nghiém ctia bat phuong trinh log; (z — 1) + log; (11 — 2z) > 0 1a
3

@(1;4). (—00;4). (1; 4]. @ [4;1—21).

Loi giai.
N 11
bieu kién: 1 <z < 5
Bat phuong trinh tuong duong

—logg(z — 1) + logs(11 — 22) > 0
11 — 2z
x j—

& log, >0
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11 — 2z
= >1
r—1
12 — 3z
= >0
xr—1

& 1<ax <4
két hop vdi diéu kien ta c6 tap nghiem 1a (1;4].
Chon dap an @ OJ

Cau 19. Tim m dé bat phuong trinh log? z + 3log z + m > 0 nghiém ding véi moi = thuoc tap xéc
dinh.

mZ l. mgg. ©m<§ ®m>—%

Lai gidi.

PN Ne)
>~ |

Diéu kién: > 0. Dat t = loga,t € R. 3
Bat phuong trinh tré thanh ¢ + 3t +m >0 t | —o0 3 +00
& m > —t? —3t(2).
Bét phuong trinh da cho ¢6 nghiem ding véi moi « thuoc tap | Jf '(t) + 0 -
xac dinh < (2) ¢6 nghiém dung véi moi t € R. 9
Xét f(t) = —t* — 3t véi t € R. 1
Ta co: f(t) = =2t —3; f'(t) =0 &=t = _3 1) TR
9 2 —00 +00
Tit bang bién thién suy ra m > 7

Chon dap an @ OJ

Cau 20. Mot nguoi giii 50 trieu dong vao ngan hang véi 1ai suat 8,4%/nam. Biét rang néu khong
rit tién ra khéi ngan hang thi ¢t sau mdi nam, s6 tién lai sé dude nhap lam vén ban dau dé tinh 1ai
cho nam tiép theo. Hoi sau it nhat bao nhiéu nam, ngudi dé6 dude linh s6 tién khong it hon 80 trieu
dong (ca von ban dau 1an 1ai), biét rang trong sudt thoi gian g tién nguoi do6 khong rat tién va 1ai
suat khong thay doi?

6 nam. @ 7 nam. @ 5 nam. @4 nam.
Loi giai.
Theo cong thiic 1ai kép s6 tién ngusi d6 nhan duge bao gom ca von va lai sau n nam la:
Sp=A1+r)"
Do d6 yéu cau bai toan

8,4\"
&5, >80 < 50 <1+’—> >80« 1,084" > 1,6 & n > logy gg4 1,6 = 5,83

100

Vay dé dat duge s6 tien khong it hon 80 triu dong thi thoi gian gii it nhat 1a 6 nam.
Chondépz’m@ OJ
BANG PAP AN

1. cll2. c¢][3 A4 Bl Bll6e. Allz. Cls. Allo. All10. C|
[11. B |[12. ¢ |[13. ¢ |[14. D J[15. A ][16. C |[17. D |[18. C |[19. A |[20. A |
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CHUONG 3. NGUYEN HAM, TICH PHAN VA UNG
DUNG

KHUNG MA TRAN

CHT D CAP PO TU DUY
CHUXN KTKN Nhan Thoéng Van Van CONG
biét hiéu dung | dung cao
Cau 1 Cau 4 Cau 6 8
(1) Nguyén ham Cau 2 Cau b Cau 7
Cau 3 Cau 8 40%
Cau 9 Cau 11 Cau 16 8
Cau 10 Cau 12
(2) Tich phan Cau 13
Cau 14
Cau 15 40%
(3) Ung dung cua tich phan Cau 17 Cau 18 Cau 19 Cau 20 4
trong hinh hoc 20%
R 6 8 4 2 20
CONG
) 30% 40% 20% 10% 100%
BANG MO TA CHI TIET NOI DUNG CAU HOI
CHU DE CAU| MUC DO MO TA
1 NB Nguyén ham ctia ham sb luong giic.
2 NB Nguyén ham ctia ham s6 mil.
3 NB Nguyén ham ctia ham s6 da thic.
Chi dé 1. 4 TH Bién déi dua vé ham lity thita.
Nguyén ham 5 TH Tim nguyén ham ctia ham phéan thiec.
6 VDT Tim nguyén ham ting phan.
7 VDT Tim nguyén ham bing phuong phap doi bién.
8 VDT Xac dinh mot yéu t6 clia nguyén ham.
9 NB Nhan biét dinh nghia dé tinh tich phan cac ham s6.
Chu dé 2. Tich 10 NB Nhan biét tinh chat dé tinh tich phan cac ham sb.
phan 11 TH Tich phan ham phan thec.
12 TH Tich phan ham s6 lugng giéc.
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13 TH Tich phan ting phan.
14 TH Tinh tich phan bang phuong phap ddi bién s6.
Tinh tich phan lien quan dén mot tich phan cho
15 TH trude.
Két hop bién ddi luong gidc va céc phuong phap
16 VDG tinh tich phan.
Cong thic tinh dién tich hinh phang (dya vao do
) . NB thi cho trudce).
Chi deé 4 Tfng Tinh duge dién tich hinh phéng giéi han bdi mot do
dung cua tich 18 TH thi va truc hoanh.
phan trong hinh .
hoc 19 VDT Tinh thé tich hinh tron xoay quay quanh truc Ozx.
20 VDC Ung dung tich phan vao thuc té.

@ OE KIEM TRA

b

1

(1114
o>\

S

Cau 1. Ham s6 nao dudi day 1a mot nguyén ham ctia ham s6 y = sinz?

@y = COST.

Lai gidi.

y:a:—cosa:.

@yzx—l—cosa:. @y:—cosx.

Ta c6 [ sinzdr = —cosx + C. Chon C = 0, suy ra ham s6 y = — cosz 14 mot nguyén ham cla

ham s6 y = sin .

Chon dap an @

Cau 2. Ham s6 nao sau day 1a mot nguyén ham ctia ham s6 f(z) = 2°7

2$
@F(x):zm‘

T

2
C(DF(:”)Zz-lnz_1

Lai gidi.

2% ) .
Ta c6 /2x dr = — + C. Vay mot nguyén ham ctia ham so f(z) = 2* la ham s6 F(x) =

In 2
Chon dap an @

Cau 3. Nguyén ham ctia ham s6 f(z) = 23 1a

®°
1
Loi giai.

7
Tacé/x3dx: Z—i—C’.
Chon dap an @

~tc

3

Cau 4. Dé tim nguyén ham I =

duoce

@I = /2(u2 ~ dudu.

r—3
vr+1

O
F(x) =27-1n2.
21’
Bl F) = In2
2z
~ In2’
O
x!
(C)322 +C. D] +cC.
U

dx, ta c6 thé ddi bién bang cach dat u = v/ + 1 thi thu

I= /2(u2 —4)du .
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@I:/(u2—4)du. @I:/(UZ—S)du.
Li giai.
Ditu=vVzr+1l=uv"=z+1= dzr=2udu.

Thay vao nguyén ham ban dau ta c6 nguyén ham tré thanh /2(u2 —4) du.

Chon dap an (B) O
Cau 5. Cho F(x) la mot nguyén ham cta f(z) = " (—1) =1, khi d6 F(2) bang
T
(A)In8+ 1. [B] 42+ 1. (C)2mn3 + 2. (D)21n4.
Loi giai.

Ta c6 F(x /f dx—/ dx—21n|x—|—2|+C’

Do F(— 1)—1nen21n|—1+2|+0—1<:)6’—1.
Vay F(z) =2ln|z+2[+1= F(2)=2In4+1=4In2+ 1.

Chon dap an -
Cau 6. Ho nguyén ham ctia ham s6 f(z) = eV# ! 1a

(V2r+1-— 1)em +C. VB L O

@(\/295—1—1—1—1)6”“1 +C,. @me\/gxﬂ e
Loi giai.

Taco [ = /ev2”+1dx.

Dat V2r+1=t=1t* =22+ 1= tdt = dx.
Khi d6 I = / teltdt.

Dist u=t N du = dt
@ dv = e'dt v=c¢e.

Vay I =te' —e' +C'=(t—1)e' + C = (V2o +1-1)eV>H + C.

Chon dap an @ 0
5 PR Py (S
Cau 7. Cho ham so0 y = f(x) xéc dinh trén khoang la (0; +00). Khi do6 NG dz bang
x
1
@) /(D) +C. f(@) +C. ©-2f(va)+C.  [Dl2f(Va)+C.
Loi giai.
e Dit u=+/z,tacé du = —= ! de = — de = 2du
AR vz T T
oKhidé/f/( _2/f 2f(u) +C =2f(Vz)+C.
\/E
Chon dap an @ O

Cau 8. Biét F(r) la mot nguyen ham ctia ham s6 f(x) = e ® + sinz théa man F(0) = 0. Tim

F(z) =—e* —cosx + 2. . B) F(z) = —e™" + cos .
@F(m):e_x—l—cosx—z @Fx = —e” —cosz + 2.
Lai giai.
Ta co

F(z) = / (e7" +sinz)de = —e* —cosz + C.

24
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Tu F(0)=0,suyra—1—-14+C=0<C=2.
Vay F(z) = —e™* — cosx + 2.
Chondépén@ OJ

Cau 9. Két qua ctia tich phan I = [ cosz dz bang

O\wl:‘:

[A]1=1. B)1=-2. ©1=0 D)1=-1.
Loi giai.
5 x
Tacé]z/cosxdx:sinx ’ =1.
s 0
Chon dap an @ O
2 3
Cau 10. Cho ham s6 f(z) lién tuc trén doan [0;3] va /f(:z:) de = 1, /f(.r) dr = 4. Tinh I =
0 2

/f(a:)dx.
01:5. B)I = -3. ©1=3. D)1 =4.

Loi giai.
3 2 3
Tacé]:/f(x)dx:/f(m)dx+/f(x)dx:1+4:5.
0 0 2
Chondépén@ O
3
~ . Z I+2 P - 2
Cau 11. Blet/ dr=a+blncvéia, b, ceZ,c<9. Tinh tong S =a+ b+ c.
x
1
(A)S =6. B]S=1. (© S =5. (D)S =8,
Lai giai.
3 ) 3 ) 3
Tacé/x+ dx—/(l+—)dx—(m+21nx) =2+2In3=a+blnc.
x x

1 1
=a=2,b=2,c=3=a+b+c=T.
Chondépz’m OJ

s

1
Cau 12. Biét /[cos?x—{—?f(x)] dz =5, tinh [ = /f(x)dx.
- —4
ox ®)3. © D2
Loi gidi.

1

NE]

s

1 1 1
Tacé/[cos?x—i—Qf(x)]dx: /costdx—i—?/f(x)dx:§sin2x‘4ﬂ—|—2]:5(1+1)+2I:1—|—2].

E]

4
Theodé tacé1+2l =5 I = 2.
Chon dap an @ O

|
|| N
ISE
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1

Cau 13. Cho /(a: + 3)e"dx = a + be v6i a, b 1a cac s6 nguyeén. Ménh dé nao dudi day dung?

0
(A)a-b=6. Bla-b=—6. Ca+b=-5 Da+b=—
Lo gii.
bat u =2+ 3 = du = dz; dv = ¢*dx = v = €”.
1
1 1
Khido I = (x+3)-¢” —/emdx:4e—3—em = —2+ 3e.
0 0
0
Vaya=—-2,b=3.Dod6 a-b= —6.
Chon dép an (B) O
8
Cau 14. Cho/f(m—i—l)dx:l(). Tith:/f(5m+4)dx.
3 0
(A)J =4 B) J = 10. (C) J = 50. [D]J =2
Loi gii.

Xét tich phan /f(:c + 1) dz = 10.

3
batt=zs+1=der=dt,vie=3=t=4,r=8=1t=9. Taco

8

9
/x+1 4/f

3
Xét tich phan J = /f(5:v+4) dz.

1
bDat u=5x+4 = du:5dx:>5du:dx

P frouet e

Chon dap an @ O

2

Cau 15. Cho ham s6 f(z) lien tuc trén R va thoa man / f(z)dx =9. Tinh /(f(1—3$)+9) dz.

(A)27. B) 15. @575. O@ 21.

Taco J = /f5x+4

U!I»—
C)TIH

Loi giai.
batt=1- 3z = dt = —3dz.
. x| 0] 2
Doi can
t|1|-=5

Ta co

2 2 2 1 1

/ f(1—=3z)+9) /f1—3x dx+/9dx:18+%/f(t)dt:18+%/f(x)d:c:21.
0 0 0 -5 —5
ChQﬂdépéﬂ@ O
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Cau 16. Cho ham s f(z) lién tuc trén R va thoa man f(z) + 2f (7 — z) = (z + 1) sinz, (Vz € R).

Tich phan / f(x)dz bang

0
@1+7. B 2T ©2+m D)o.

3

Loi giai.
Thay x = 7 — z ta dugc
flr—2z)+2f(z) =(mn—x+ 1)sin(r —z) & 2f(x) + f(r —z) = (r — 2z + 1)sinz.
T o6 fx)+2f(r—2)=(r—x+1)sinz
2f(x) + f(r—2) = (x+ 1)sinzx
= 3f(z) = (2r — 3z + 1)sinz

2 3 1

= f( )= %sinx

2r +1 2\ |T 247
e (it Y[ s

0

Chon dap an O
Cau 17.
Cho ham s6 y = f(x) lién tuc trén R va c6 do thi (C) 1a dudong y

cong nhut hinh bén. Dién tich hinh phing gi6i han béi do thi (C),
truc hoanh va hai duong thang r = 0,z = 2 (phan t6 dam) la
1 2

A]s = / f() da — / f(@)da

2
®s-|[ s
0

1

©)s = - /f dx+/2f( ) dz.
@Sz/f(fc)dx

Loi giai.
2 1 2
Theo 1y thuyét, ta c6 S = / |f(z)] dz = /f(:z:) dz — /f(x) dx
0

0
Chon dap an @ O

Cau 18. Goi S la dién tich clia hinh phang gi6i han bdi do thi () ctia ham s6 y = 2v/1 + 22, truc
hoanh, truc tung va dudng thing x = 1. Biét S = av/2 + b, v6i (a,b € Q) va a,b viét dang cac phan
s6 toi gian. Tinh a + b.

1 1 1
@a+b:8. a+b:§. a+b:§. @a+b:0.
Lai giai.
Hoanh do giao diém ctia (%) va truc Oz 1a nghiém ctia phuong trinh

V14+22=0&2=0.
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Suy ra
1 1 1
1 o\ 1 1 1 o\ 3 2 1
S = a:\/1+x2dx:§ (1+2%)2d(1 +2%) = 3" 1—(1~|—x)2 :5\/5—5
0 0 §+1 0
2 1
Dodba=-,b=—=.
31 3
Vaya+b:§
Chondépén@ O

) -3 .
Cau 19. Cho hinh phang D gi6i han bdi cac duong cong y = x—ﬂ, truc hoanh va truc tung. Khoi
x

tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V = 7(a + bIn2) v6i a, b 1 céc sb
nguyén. Tinh T'=a + b.

(A)T = 10. BT =3. ©T=6. D)7 =-
Loi giai.

Phuong trinh hoanh do giao diém ctia (C) va truc Ox 1a ’ 1 ler—3=0e2=3.
x

Khi d6 thé tich khéi tron xoay tao thanh khi quay D quanh truc hoanh la

3

V:T/(i—T—l) Wo/< :L‘—I—l) W()/( x+1 (x—1|—61)2)dx’

0

3
hayV—w(m—81n|x—i—1|—— ‘

7(15 — 161n2).

rz+1/ lo
Vaya =15, b= —16. Dod6 T =a+ b= —1.
Chon dép an (D) O
Cau 20.
Mot vien gach hoa hinh vudng canh 40 cm dugce thiét ké nhu hinh 1,
bén duéi. Dién tich mdi cinh hoa bang y Y=155%
400 800
o cm?. 5 cm?. @ 250 cm?. @ 800 cm?. 20 =20z

—20

Lai gidi.
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Dién tich moi canh hoa la

20
1
S = /‘\/201‘—2—O$2 dx
0

20 20
= /\/2()_xda:—/ix2dx
0 0
0 3

20
3,2 20
X2 T
= 2\/3.? -
0 0
_ 0
= 5
Vay dién tich moi canh hoa la 4% cm?.
Chondépén@ O
BANG DAP AN
1. DJl2. DJ[3 DJ4 B]Jl5 BJl6. AJl7. DJ[s. Allo. A Jl10. A]
[11. B |[12. D |[13. B |[14. D |[15. D |[16. B |[17. A |[18. C |[19. D |[20. A |
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Pé s62

Cau 1. Tim ho nguyén ham ctia ham s6 f(z) = cos 3.

@/f($)d$=3sin3x+0, /f %1n3r+0.
@/f(x)dx—siHSx—l—C’. @/fx x__sm33x+a

Loi giai. '

Ta co | cos3zdx = sm33:p +C.

Chon dap an -

Cau 2. Tim nguyén ham cta ham s f(z) = 7.

7ac+1
@/fxdxzmnuc. /f(x)dm: —+C
T

./f —+C @/f(x)dxz?”leC’.

Loi giai.
7117
Tacé/f(m)dxz/?xdx:1n7+0.
ChQHdépéH@ O
Cau 3. Nguyén ham ciia ham s6 f(x) = 42° + 2 — 1 1a:
1 1

@.ﬂ:4+x2+$+0. 12:1:2+1+C. :174+§r1:2—:1;+0. @.9:4—5332—3:—1—0.

Loi giai.
n+1
St dung nguyén ham co ban / " dr = +C.
n+1
) xt a2? PR B

Ta c6 f(as)dx:él-z—l—?—:v—irC:x ~|—§-x -z +C.
Chondépén@ O
Cau 4. Tim mot nguyén ham F(zx) cta ham s6 f(z) = 22° —3x +4m+5 thod man F(2) = 3.

(A) F(z) = 62 — 62 — 9. B) F(x) :——x + 222 + bz — 13.

A
F(:I:):%—:Jc3+2:152+5:1;—15. @F :%—x +4x% + 9.

Loi giai.
4
Tacé/(2x3—3x2+4:c+5) dox = x——x3+2x2+5x—|—0.

2
Vi F(2) = 3 nén
4

2
5—23+2-22+5-2+C:3<:>C:—15

1
VayF(a:):%—x3+2x2+5x—15.

Chon dap én@ O
Cau 5. Tim ho nguyén ham ctia ham s6 f(z) = 5x1— 5
/f(:r)d:z::;ln|5x—2|+0. /f(m)dx:1n|5x—2|+(].
@/f(x)dx:1n|5x—2|+0. @/f(x)dx:—%ln(5x—2)+0.

L&i giai.
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, R T
Taco/f(m)dx—/5$_ daz—5ln|5x 2+ C.

2
Chon dap an @ O
Cau 6. Ki hicu F(z) 1a mot nguyén ham ciia ham s6 f(z) = coiza: véi F(0) = —%. Tinh
F(Z).
5 2 2
T T
A|—In2. In 2. —— —1In2. — +1n2.
B N D~
Lai giai.
x
Ta c6 F(z) = dor = d
a c6 F(z) /cos% * /x cosx .
U=z u—
bat { |, 1 { , ta co
v = v =tanx

F(z) = xtanx—/tanxdx

sinx
= gtanz — dx
CcoS T

1
= rtanz — —d
xrtanw / cos [—d(cos )]

= xtanz +In|cosz|+ C

Suy ra F'(0) = 0-tan 0+In | cos 0| +C = C, suy ra C = - hay ta c6 F(x) = $tanx+ln|cosx|—l.

7 V3 V3
~ T\ T T T m 3 1 T
VayF<§>3-tan3+ln‘0083’—\/§ 5 +ln2 i In 2.
Chondépén@ O
. 1
Cau 7. Tim ho nguyén ham ctia ham s6 f(z) = W
/f(x)dx—ln‘x—kvx?—l)—f—c*_ /f(:v)dx:ln Zx 1'+C’.
:L‘ —
VaZ =1
@/f(x)dlen‘x—x/#—l‘%—C. @/f(x)dlen xx +C.
Loi giai.
. 1
Tlnh]:/mdx.
Datt:x+\/x2—1:>dt:(1+L)dxz*dxhayﬁz de .
1 x?2—1 x?—1 13 x?—1
t
Suyralz/T:ln]t|:ln‘x+\/x2—1’—|—0.
Chondépén@ O

Cau 8. Cho ham s6 y = f(z) c6 dao ham trén R théa man f(z) = /6/3 (f/(1))* = 3f/(t) + 3dt.
0

Tinh f'(x).
@A) f'(z) =2. flz) = -1+ 2. flo)=1+v2. D) f(z)=-2.
Loi giai.
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Ta 6 f(x) = /3 (f(x)* = 3f(x) +3 & (f'(2)* =3(f(x)* +3f () —=3=0& f(z) =1+ V2.
Chon dap an @ O

Cau 9. Cho ham s6 y = f(z), lien tuc trén [a;b] véi a < b, F(x) 1a mot nguyén ham ctia ham sd
f(x) tren [a;b] v6i a < b. Ménh dé nao dudi day 1a ding?
b b

/f(x) dz = F(b) — F(a). / f(a)dz = F(a) — F(b).
@/f F(a) + F(b). @/f(:c) dz = —F(b) — F(a).

Loi giai.
Theo dinh nghia, ta c6 /f(x) dz = F(b) — F(a).

Chon dap an @ 0

Cau 10. Cho ham s6 y = f(x), lién tuc trén [a;b] v6i a < b. Trong cac khang dinh sau, khang dinh
nao dung?
b

@/f(:v)dxz/af(x)dx- -/f /f
@/bf@) dx+/af(x) dx_2/bf(x) dz. @/f(x)dx+/f(m) dx_—2/bf(x) dz.

b a

Loi giai.

Dua vao tinh chat ciia tich phan.

Chon dép an (B) O

2

Cau 11. Cho / ( L + L ) dz = aln2+ bIn3 véi a, b 1a cic s6 nguyen. Menh dé nao dudi
/ r+1 x+42

day dung?

@a+b:0. 2a+b:0. @a—l—Qb:O. D]a+b=2.
Loi giai.
Ta co

2

1 1
/( + )dx:(1nyx+1|+1n|x+2|)\2:1n3+1n4—1n2:1n3+1n2.
r+1 x+2 0

0

Suyraa=b=1 Vaya+b=2.
Chondépén@ O

Cau 12. Cho hai tich phan I /sm rdx,J = /C082 xdx. So sanh I va J.
0

I=J. B)I>J.
@ I <J. @Kh@ng so sanh dudc.
Loi giai.
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1— 2 11 2
Ta co: I = /sm rdx = / o eoser x dx: (—x——sin2x> ::
2 4 0 4
0
7 71 2 11 2
2
J:/cos%cdx:/(m) dx = (—:c—l——sinQ:c) -
2 2 4 0
0 0
Vay I = J.
Chon dap én@ O

1
Cau 13. Cho /f’(x) coszdr =1va f(1)cos1l — f(0) = 2018. Tinh I = /f(m) sin z dz.

0

0
[ =2017. I =2019. (©) 1 = —2019. (D) = —2017.

Lai gidi.
1

Tinh /f’(ac) cos z dz theo ting phan, dit {u - = {du = sinrds
’ dv = f'(z)dx v=f(x)
Suy re(m)
1
1= /f'(x)cosxdx—cosxf /f )sinz dx
0
1
= /f(a:) sinzde = f(1)cos1— f(0) — 1 = 2017.
0
Chon dap an @ OJ

2
Cau 14. Cho ham s6 y = f(z) lien tuc trén R thod man /f x)dx = 4. Tinh /f(2a; dx
0

2 2 2

@/f(2x)dx:8. /f(Zx)dx—Q. @/f (2x)d @/f (2x)d

0 0

Loi giai.
Dit t =22 = dt = 2dx.

.. r=0—t=0
Doi can:

[x:2—>t:4.
2 4 4

) 1 1

Va}’/f(%)d?’?:§/f(t §/f
0 0 0
Chon dép an (B) O
2 3
Cau 15. Cho f(z) la ham s6 lien tuc trén R va /f(:v)d -2, /f (2z)dz = 10. Tinh [ =
0 1

2
/f(3x)dx
0

[A]T =6 B)1=3s. ©1=2 D)1 = 4.
Lo giai.

11/2019 - Lan 4



B6 dé kiém tra theo ting chuong Du an Tex45-THPT-04

3
e Xét tich phan J = /f(2x) dz = 10.
1

1
biat u =2z = dx:§du.
Khiz=1thi v =2. Khi x =3 thi u = 6. Do do6

6
Suy ra /f(a:) dz = 20.
2

2
e Xét tich phan [ = /f(3:c) dz.
0

1
Ditt =3z = dx:§dt.
Khiz=0thit=0. Khiz =2thit=6. Do do

jf(t)dtz /ﬁf(x)dl’:

Chon dap an @ OJ

2

Cau 16. Tich phan / (siny/z — cos/z) dv = A+ Br. Tinh A+ B.
0
(A)7. B 6. (©)5. (D) 4.
Loi giai.
Dity =2 = t? =12 = 2tdt = dz.

I =

W |
Wl
W =
=
=
o,
=
+
M\cm
~
~—~
=
o
8
Il
W | —
|
DO
SN—
+
DO
=
Il
o

Déicanx:Oét:O;:z;:7r2:>t:7rSuyra]:2/(sint—cost)tdt.

0
Dat u =t; dv = (sint — cost)dt = du = dt;v = —cost — sint.

™

I =2 |t(—cost —sint) w+/(cost+sint)dt =2 |:7T—|— (sint — cost) W} =4+ 27
0 0
0
Nen A=4; B=2= A+ B=6.
Chon dép an (B) O

Cau 17.
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Dién tich ctia hinh phang dugc giéi han bdi dd thi ham s6
y = f(z), truc hoanh va hai dudng thang z = a, * = b (a < b)
(phan to6 dam trong hinh vé). Tinh theo cong thiic ndo dudi
day?

b

[A]S = —‘/Cf(x)dx—k/f(:z;)d:r.

C

B)S = /bf(:c)d:c.
@S:/cf(a:)dx+/bf(:c)dx.
@S:/bf(x)dx.

Loi giai.
b c b c b
Ta co: Sz/\f(x)|dx:/|f(x)|dx+/|f(x)|dx=—/f(x)der/f(x)dx.

Chon dap an @ O

Cau 18. Cho (#) 1a hinh phang gidi han béi y = /7,y =  — 2 v& truc hoanh. Dién tich ctia (H)
bang:

7 8 10 16
@g. g. ?. ?.

Loi giai.
Y
0] T
. .2 . xr—22>0
Phuong trinh hoanh do giao diem cua f(z) va g(z) la Jr =2 -2 & (z— 2)° s x=4.
r=(r—
2 4
10
Do d6 dien tich S cua (H) laS:/\/de—i—/(\/E—x—l—Q)dx: 3
0 2
Chon dap an @ O

Cau 19. Cho hinh phang (H) gidi han bdi do thi cac ham s sau y = 1/, truc hoanh, dudng thang
x = 4 (tham khao hinh v&). Thé tich khéi tron xoay sinh béi hinh (H) khi quay quanh truc hoanh
bang:
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(A) 4r. 8. (C) 16m. (D) 327.

Loi giai.
Phuong phap. Cho hai ham s6 y = f(z), y = g(z) lién tuc trén [a; b]. Khi d6 thé tich vat thé tron
xoay gi6i han bdi hai do thi s6 y = f(z), y = g(v) va hai dudng thing x = a, x = b khi quay quanh

b
truc Oz la: V = 7T/ | f2(2) — ¢*(x)] da.

2 N 4 4 1
The tich can tim la V =7 [ (Vz)* dz = m[ede=m <§x2>
0 0

Chon dap an O
Cau 20. Mot vat chuyen dong déu véi van toc vy = 15 m/s thi tang toc véi van toc
a(t) = t? +4t(m/s?). Tinh quang dudng vat di dugc trong khoang thoi gian 3 giay ke tit ltic bat dau
tang toc.

(A)27m. B) 72m. 69, 75m. (D) 24, 75m.
Loi giai.

t3

Ta c6 v(t) = /(t2+4t)dt: §+2t2—|—0, ma v(0) =15 = C = 15.

t3
Vi vay v(t) = 3 + 2t% + 15.
Vay quang duong vat di dugc trong khoang thoi gian 3 giay ké tir ltic bat dau ting toc la
3

t3 2
S—/(§+2t2+15> dt—%9—69,75m.

Chonodépén© O
BANG PAP AN

1. Bll2. Cc][3 cC]l4 clls5. Alle. All7. Als. Cllo. Al10. B
[11. D |[12. A ][13. A |[14. B |[15. A |[16. B |[17. A |[18. C |[19. B |[20. C |
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Pésb63

Cau 1. Tim ho nguyén ham ctia ham s6 f(x) = 3 cos 3z.

@/f(x)dx:?)sin3x+0.
/)‘(1) dz =sin3z + C.

Lai gidi.

3
@/fm x:_81n3:v+

Ta ¢6 /3COS3IdI—Sin3I+C.

./f SlIl3I+O‘

C.

Chon dap én@ 0
Cau 2. Tim nguyén ham ctia ham s6 f(z) = 5% - 7*.
35z+1
@/fxdx:35x1n35+0. /f(x)dm:x+1+0.
357

./f do = +C. @/f(x)dx:35”“’+l+(].
Loi giai.
Tacé/f(m)dx—/?i)xdx— 5 +C

N I35

Chon dap z’m@ OJ
Cau 3. Tim ho nguyén ham ctia ham s6 f(z) = 162 — 32% — 1.

/f(x)dx:4x4—x3—x+0. /f(x)dx:16x4—x3—:v—|—0.

@/f(m)dx— ' — 32 — 1+ C. @/f(x)dx—l6x4—3x3—x+0.
Loi giai.
/f(x)d:v:/16x3—3$2—1dx:4x4—x3—x+0.
Chon dap én@ O

) 1

Cau 4. Tim ho nguyén ham ctia ham s6 f(z) = \/ﬁ

@/f(:n)dxz?-\/2$—3+0. /f(:x)dr:\/2x3+0.

1 2

@/f(x)dx:§\/2x—3+C'. @/f(m)dm:—gx/Qm—?)—FC.

Lo giai.
1 1

Ta Cé/f($)d$z/(2$—3)_§dm: 5 2z -3) 2+ C=v20 -3+C.
Chon dap an (B) O

Cau 5. Tim ho nguyén ham ctia ham s6 f(z) =

1
@/f(x)dm: v +C.
r+1
/f(x)dlen EFT)E +C.
Loi giai.
Ta co

u/f(x)dx — /(xil_

12

r+1 x+2 X

./f )dz = In ZH )‘+(J.
B (z + 2)?

@/fxdx—ln 1 +C.

)dlen|x+1|—21n|x+2|+6’
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|x+1|+0—1n x+1
(x+2? (@ +2p
Chondépén@ O

Cau 6. Cho F(x) = (x — 1)e® la mot nguyén ham ctia ham s6 f(x)e®*®. Nguyén ham ctia ham s
f/( >e2x
@/f )e* dz = (4 — 22)e” + C. ./f )2 i = 2

@/f’(x)ehdx = (x —2)e" + C. @/f r)e’” dr = (2 —z)e” + C.
Loi giai.
Theo gia thiét ta c6 f(x)e?® = F'(z) = [(x — 1)e”] = ze®.

Ta c6 /f’(x)e%dx = f(z)e* —/f(x)-QeQm dr = f(x)e* — /f e*dz = (2 - )"+ C.

= Injz+1]-In(z+2)*+C = +C.

e—I—C’

Chon dap an @ O
Cau 7. Nguyén ham ciia ham s6 f(x) = G _f 7 1a
@F(x):—m-i-c. F(:I;)_4(1;—1i—1)4_3(:1;—11-1)34_0'
©F(x):4(x—jltl)4+a @F(l‘):_4(xj_1)4+3(xj_1)3+0‘

Loi giai.
bitu=24+1= du= dzx.

T u—1 1 1 1 1
Ta c6 ———dx = du = (———)d =——+4+—+4C.
aco/(x+1)5 T /u U = /u4 5 U 3u3+4u4+
1

1
Thay u =z + 1 ta dugc F($)24(x+1)4_3(m+1)3+0'

Chon dép an (B) O

Cau 8. Cho ham s6 f(r) = 322 — (2m — 1)z + 2m. Tim gia tri thuc cia m dé nguyén ham F(z)
ctia ham s6 f(x) thod man F(0) = 3 va F(1) = 15.

m:221. m:3. @m——— @m:—

Lai giai.

Tacé/[BxQ—(Qm—l)x—i-Qm} dx:x?’—M—Fme%—C.
Vi F(0) =3 va F(1) = 15 nén
C=3 C=
Lyom- 2"l oo s m—%.
Vaym:2—21 1a gia tri can tim.
Chondépén@ O

Cau 9. Cho /f(x) dz = 3, F(z) 12 mot nguyén ham ctia ham s6 f(z) va F(1) = 3. Khi d6 F(2)

bang

(A) F(2) = 0. F(2) =1. F(2) = 6. (D) F(2) =

L&i giai.
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Tacé/f(x)dsz:F(Q)—F(l):3:F(2):6.

1
Chon dap an @ O

Cau 10 Cho f(x) 1a ham s6 lien tuc trén [a; b]. Dang thitc nao sau day sai?

o= [
/f(l')dl‘_—/f(x)dx
©a/bkdxk<b:> vk € R
@7f(x)dxa/cf(:v)dx+c/bf(x)dx € lab],

a
Lo giai.
b a

Theo tinh chat tich phan ta c6 /f(:v) do = — / f(x)dz.
a b
Chon dap an @ O
5 ,
1 . N
Cau 11. Cho / % dzr = a+In 2 Vi a, b la cac so nguyén. Ménh de nao dudi day ding?
x
3
(A)a—2b=10. B)a—2b=5. (Ca—20=-2. [D]a—20=2.
Lai giai.
[ ot / 1 2 ’ 3
x
Tacé/ldx:/<x+ >dx:(—+ln|x+1|> =8+ In_.
x+1 r+1 2 3 2
3 3
Vay a =8, b= 2. Khi d6 a — 2b = 2.
Chon dap én (D) O
%
Cau 12. Cho /f(x) dr =9. Tinh I = /f(sin?)x) cos 3x dx
0 0
[A]1 =3 B)1=>5 ©1=2 D)1 = 10.
Loi glal
]—/f (sin3x) cos3xdr = = /f (sin 3x) d (sin 3x) /f
Chon dap an @ O

2
1 1

Cau 13. ChoI-/(l—l—x—i——>em_zdx—aeb—cvdia,meR,a;éO. Gidtricia S=a+b+c
x

1
bang

1 3 1 9
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2 2
1 ]_ 1
dy[::/ezz dx—l—/(x—l——) ez dx.
X
1 1

2
Xét tich phan I, = / e = dz.
1

Lai giai.
2

1
II/<1+I+—>6‘T
i

1

8=

1 1 1
u=e" = du= <1 + —) " =z dx
Dat 2

dv=dzx=v=n=x.

Theo cong thitc tich phan titng phan ta c6 I, = ze® =+
1

3

2 —
=22 — 1.
1

9
Tu doé suy ra S = 3

Chon dap an @ O

Vay I = Tt

4121
1—1114—;;’. B) =14t ©I=mi-——= (DI=In4-1.

Loi giai.

batl+x=u= du= dzx.

Déicinz=0=>u=1,2=3=u=4
4

2 _ou41 2 1
Khid();:/wdu: <lnyu\+———)
u

u3 2u?

- 32"
1

Chon dap an @ OJ

2
Cau 15. Cho f(z) la ham s6 lién tuc trén R va /f(a:) dz = 1, /f(2x) der = 10. Tinh [ =
0

2
/f(Bx)d:U.
0
[A]I=71. B)I=2s. (©1=6. D)1=
Loi giai.

3
e Xét tich phan J = /f(21:) dz = 10.
1

1
it u =2z = dx:§du.
Khi z =1 thi v = 2. Khi £ = 3 thi v = 6. Do d6
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B6 dé kiém tra theo ting chuong Du an Tex45-THPT-04

6
Suy ra /f(:z:) dz = 20.
2

2
e Xét tich phan [ = /f(3x) dz.
0

1
Ditt =3z = d:r:gdt.
Khiz=0thit=0. Khiz=2thit=6. Do d6

I:

W
W[

/6f<t>dt_ /Gf(a:)dx—% jf(x)der/ﬁf(x)dx _%(1+20)_7,

Chon dap an @ O

2

Cau 16. Tich phan / (sin vz — cosv/z) dv = A+ Br. Tinh A — 2B.
0
(A)1. 0. (©)3. D)2.
Loi giai.
Dity = o = t? =z = 2tdt = dz.

Déicanx:O:Mf:O;x:7r2:>t:7rSuyra[zQ/(sint—cost)tdt.

0
Diat u=t; dv = (sint — cost)dt = du = dt;v = —cost — sint.

™

I =2 |t(—cost—sint) i + /(Cost—I—sint) dt| =2 |:7T—|— (sint — cost) ﬁ} =4+ 27.
0 0
0
Nen A—4: B=2= A—2B—=0.
Chon dap an O
Cau 17.
Cho do thi ham s6 y = f(x) nhu hinh vé bén. Dién tich S cta y

hinh phang phan t6 dam trong hinh dugc tinh theo cong thitc nao
sau day?

S = /Zf(lf) dz + /sf(l') dz
@S:/Of(x)dx—i-/of(x)dx

L&i giai.
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B6 dé kiém tra theo ting chuong Du an Tex45-THPT-04

3 0 3 -2 3
Theo hinh vé, ta ¢c6 S = / |f(z)| dz = —/f(x) d:zc—l—/f(x) dr = /f(x) dz + /f(x) dz.
—9 -2 0 0 0
Chon dép &n (C) O
Cau 18.
Dién tich hinh phéng S gi6i han béi cac do thi ham s6 y = y

V2zx, y =4 —x va truc hoanh Oz (nhu hinh vé) dugc tinh béi
cong thic nao dudi day?

@szj\/%dx+/4(4—x)dx.

sz/mdﬂ/@—x)dx.

0 2
4

@5:/(@—4+x)dx.

0
2

@5:/(4—93—@)@.

0

=4—zx

Y=V

Loi giai.
Xét cac phuong trinh hoanh do giao diém: y

r <4 =4—-x

w=4-1 e N — _
tvermRT {x2—10x+16:0 ! y=v2Z

e 4—1r=0&1x=4.

e V2r=0< 2 =0.

2
Dua vao hinh vé, ta c6 S = /\/ 20 dx + / (4 —z)dx.
0

Chon dap an

Cau 19. ]

Cho hinh phang (H) gidi han béi 2 dudng tron
c6 ban kinh R = 2, dudng cong y = /4 — x va
truc hoanh (mién t6 dam nhu hinh vé). Tinh
thé tich V ctia khéi tao thanh khi cho hinh
(H) quay quanh truc Ozx.

77 53

@v =" BV="".

©v="27 Djv =27
6 B

5

Loi giai.
Phuong trinh hoanh do giao diem: V4 -2 =01 =4
2 2 > 1
Goi V; 1a the tich khoi tron xoay khi quay hinh phang gidi han baéi 1 dudng tron c6 ban kinh R = 2

(nhu hinh vé), truc hoanh va dudng thang z = 0 xung quanh truc Oz. Khéi tron xoay tao thanh la
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4 167
a8 = T
3 " 3

Goi Vj, la thé tich khéi tron xoay khi quay hinh phang gigi han bdi cac duong y = V4 —z, y = 0,
4

N —

ntta khoi cau ban kinh R = 2, suy ra V; =

x =0, r = 4 xung quanh truc Oz, suy ra Vs, = 7r/(4 —z)dz = 8.
0

~ 2 . N . N 407
Vay the tich can tinh 1a V =V, + 1, = =
Chon dap an (D) O
Cau 20. Mot bon hinh tru chida dau duge dat ndm ngang, c6 chieu dai 5 m, ban kinh diy 1 m, véi
nap bon dat tréen mat ndm ngang ciia mit tru. Nguoi ta rat dau trong bon tuong ing véi 0,5 m cla
duong kinh déay. Tinh thé tich gan ding nhat ctia khéi dau con lai trong bon.

0,5 m

(A) 11,781 m®, 12,637 m®. (C) 114,923 m®. (D)8,307 m?.
Loi giai.
Thé tich ctia bon (hinh tru) dung daula V; =772 - h=7-12.5 = 57 m?.
Bay gio ta tinh phan dau bi rat ra bang 2 cach:
Cach 1. (Dung tich phan)

Yy
—
y=+1—2x2
O
0.5 1 =
y=—1—2a2
_/

Chon hé tuc toa do nhu hinh vé, gbc toa do gan vé6i tam ciia mit day.
Duong tron day c6 ban kinh bang 1 nén c¢6 phuong trinh 22 + y? = 1.

Suy ra y = £v/1 — x2.
1
Dién tich phan hinh tron diy bi mat 13 S = 2 / V1—22dz.
1

2
bat z =sint,0 <t < g = dx = costt.
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B6 dé kiém tra theo ting chuong Du an Tex45-THPT-04

) 1
Doicanxzizst:%va:c:1;»t:g.Khidé

13

> 5 _
2t +sin2t|3 4w —3vV3
S:2/Cost\/1—sin2tdt:2/cosztdt=% ,2, :7r1—2\/_ m?2.
6

s
6

ol

1
Thé tich phan dau bi rit ra ngoai la Vo = S x h = 2/\/1 — 22 dx x 5~ 3,07 m>.

1

2

Vay thé tich ctia khéi dau con lai trong bon 1a V = Vi — V5 &~ 12,637 m>.

Cach 2. (Ap dung dién tich cung tron khi biét goc 6 tam trur di dién tich tam gidc tao bdéi tam va
2 dau mut day cung)

Y
A
0
H T
B
1, 1 . 1oy o -
Sviénphan:§Ra—§~R-R-smo¢:—R (v — sina) v6i «v tinh theo don vi radian.
hgocdtam:cos o = s =—p- =5 > 5=g>a=—.
Dién tich phan hinh tron day bi mat (phan boi den) 1a
S —ERZ( — sin )—162-<2—7T— inz—ﬂ)NO 61 m?
vien phan — o @ —S8 a_2 3 S 3 ~ 0, .
Chondépz’m OJ
BANG DAP AN
1. cl2. ¢][3 A4 B]l5 C] D |[7. B8 A]| C |[10. A]
[11. D |[12. A J[13. D |[14. A J[15. A ][16. B |[17. C |[18. B |[19. D |[20. B |
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B6 dé kiém tra theo timg chuong
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CHUGNG 4. SO PHUC

KHUNG MA TRAN

CAP PO TU DUY

CHU DE Cong
CHU KN KTKN Nhan Thong Van Van '
biét hiéu dung dung cao
. . Cau 1 Cau 7 2
(1) Dinh nghia s6 phiic
10%
(2) Biéu dién hinh hoc ctia s6 | Cau 2 Cau 8 Cau 15 3
phiic 15%
. 2 Cau 3 Cau 9 Cau 16 Cau 19 4
(3) M6 dun ctia s6 phiic
20%
. ) Cau 4 Cau 10 2
(4) S6 phiic lién hgp
10%
(5) Cac phép toan trén sb Cau b Cau 11 Cau 17 4
phtic Cau 12 20%
(6) Giai phuong trinh trén Cau 6 Cau 13 Cau 18 Cau 20 5
tap s6 phiic Cau 14 25%
~ 6 8 4 2 20
Cong
30% 40% 20% 10% 100%
BANG MO TA CHI TIET NOI DUNG CAU HOI
CHU DE CAU| MUC PO MO TA
Chi dé 1. Pinh nghia 1 NB Diéu kién dé hai s6 phtic bang nhau.
6 phiic 7 TH X4c dinh phan thye, phan 4o clia s6 phiic.
X4c dinh duge diém biéu dién ctia sé phiic trén
2 NB y 2 R
mat phang toa do.
Chi dé 2. Biu didn . TH X?ac djnh c/Tu’oc,so phtic khi biét diem bieu dién
X ) p . cua so phic doé.
hinh hoc cua so phic - — -
Tim duge tap hop diem biéu dién cac so phitc
15 vDT cho trudec.
3 NB Tinh dugc mo6 dun cta s6 phic z = a + bi.
Tim dudc s6 phiic khi biét mo dun ciia né diéu
9 TH

kién ctia phan thyce, phan 4o.

Chi. dé 3. M6 dun
ctia sb phitc
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Du an Tex45-THPT-04

Tinh dudc mo dun ctia s6 phiic théa mot hé

16 vhT thitc cho truée (dua vé viec giai p/t, he p/t ).
19 VDC Bai toan tong hop vé mo dun, bai toan cuc tri.
A \B Nhan ra sé phiic lien hgp ciia sd phiic cho
Chii dé 4. Sé phatc truoce.
5 Tim s6 phiic liéen hgp c6 chida phép toan don
lién hop 10 TH ! p Jp phep
gian.
5 NB Thuyc hién cac phép tinh co ban.
X4c dinh s6 phitc thdéa man diéu kién cho trude
11 TH (st dung phép toan cong , trit, nhan, chia cac
s6 phiic).
Chi dé 5. Cdc phé 2 . 2
1f € ~ c!c P ’ep 12 TH Tim so phic nghich dao.
toan trén so phic - -
Xéc dinh s6 phtic z ¢6 chita tham s6 thoa méan
17 VDT dieéu kien cho truée (st dung phép toan cong ,
trit, nhan, chia cac s6 phiic).
6 NB Can bac hai ctia mot s6 thuc am.
Tim s6 phtic nghich dio cia nghiém phuong
13 TH trinh cho trudec.
N Biét cach gidi phuong trinh triing phuong va
Chi dé 6. Gids 14 TH tim tong modun cac nghiém ciia phuong trinh
phuong trinh trén tap dé.
86 phaic . ) . ain. 1 B
18 VDT Tim so6 phtic thoa man dieu kién cho trude.
Tinh gia tri biéu thic lien quan dén mo dun
20 VDC

clla mot s6 phitc théa man diéu kién cho trude.

@ OE KIEM TRA

(A)a=0,b=2.

Lai giai.

Tac62a+(b+z')z:1+2z‘<:>2(a—1)+(b—2)¢:0<:>{

Chon dap an @

Pésd 1

Cau 1. Tim cac s6 thyc a,b thoa man 2a + (b+4)i = 1 + 2i v6i i 1a don vi do.

a:%, =1.

©a=0b=1 [Dla=1,b=2.

a=1
b=2.

Cau 2. Cho s6 phtic z = 1 — 2i. Khang dinh nio sau day la khiang dinh ding?
@86 phiic z 1a s6 thuan ao.

Phan thyc ctia s6 phiic z 13 1.

L&i giai.

Phan 4o ctia s6 phic z 1la —2i.
@Phén 40 clia sO6 phic z 1a 2.

S6 phiic z = 1 — 2i ¢6 phan thyc 1a 1, phan 4o 14 —2 va khong phai 1a s6 thuan 4o.

Chon dap an (C)

Cau 3. Trong miit phing toa do Ozy, toa do diém M biéu dién sé phitc z =4 — i 1a
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(A) M(4;1). (B) M(—4;1). M(4; —1). (D) M(—4; —1).
Loi gidi.
Diém biéu dién s6 phtic z = 4 — i 1a M(4; —1).
Chon dap an (C) O

Cau 4. Trén mit phang phtc, cho diém A biéu dién sé phic —2 + 37, diem B biéu dién sb phiic
4 — 5i. Goi M la trung diém ctia AB. Khi dé, diém M biéu dién sé phiic ndo trong céac sd phic
sau

(A)3 — 4i. B)3 + 4i. (©)1+i. D]1—i.
Loi giai.
Ta c¢6 A(—2;3), B(4;—5). M la trung diém ctia AB = M (1; —1). Vay M biéu dién s6 phiic 1 — i.
Chon déap an @ O

Cau 5. Tap hop cac diem bicu dién s6 phiic z théa man 2|z — 1| = |z + Z + 2| trén mat phang toa
do la mot
@ dudng thing. duong tron. parabol. @ hypebol.
Lo gii.
Gidstz=z+yi(r,yeR)=zZ=2—yi = z2+7% = 2z.
Khi d6 2|z — 1 +yi| = 22+ 2| & 2y/(z — 1) + y% = |22 + 2|
S-1) +y=(+1) er®-2r+1+y*=1"4+20+1& y* =4z
Do d6 tap hgp cac diém biéu dién s6 phitc z théa man 2|z — 1| = |z + 7 + 2| trén mat phang toa do
la mot parabol.
Chon dap an @ O

Cau 6. Tinh mo-dun ctia s6 phiic z = 3 + 4i.

(A)3. [B] 5. ©7. (D) V7.

Loi giai.
Ta c6 |z| = v32+ 42 =5.
Chon dap an (B) O

Cau 7. S6 phitc 2z nao sau day théa man |z| = /5 va z 1a s6 thuan 40?

@z:\/g. z:\/§+\/§z’. @z=5z’. @z:—\/gi.
Loi giai.
° NG :>[z:\/gi
VB

z=—V5i
Chon dap an @ O

Cau 8. Tim mo-dun cia s6 phiic z théa man 22(1+ 1) + (z+2)(1 — i) = —1 + 5i.
(A7 5. (©)12. (D)25.

Lo giai.

Gid stz =a+bi, a,b € R, 3> = —1. Khi d6

b
Vi z 1 s6 thuan 4o nén ta dit z = bi = |z| = |b| = /5 = [b

22(1+10)+(Z+2) (1 —i)=—-1+5i < 2a+bi)(1+i)+(a—bi +2)(1 —i) = —-1+5i
< Ba—3b+2)+(a+b—2)i=—-1+5i

3a—3b+2=-1 a=3
& & = |z| = V32442 =5.
{a+b—2:5 {b:4 i "
Chon dap an O
Cau 9. Biét s6 phitc z théa man dong thoi hai diéu kien |z — 3 — 4i| = /5 va biéu thic M =

|z + 2> — |z — i|? dat gia tri 16n nhat. Tinh mo-dun ciia s6 phiic z + i.

[A]]z + | = V61. B) |z +i| = 5v2. (©) |z +i| = 3v5. (D) |z +i| = 2v/41.
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Loi giai.

Goi z =z + yi v6i (z;y € R).

Taco |z —3 —4i| =5 (r—3)2+ (y — 4)? =5.

Theo gia thiét M = |z + 2> — |z —i]* = (z +2)* + v*) — (z* + (y — 1)?) = 4o + 2y + 3.
T do suy ra

M—-23 = 4(x—3)+2(y—4)
< (16 +4) [(z —3)2 + (y — 4)2] =205 = 10.

Vay M < 33 va M = 33 xay ra khi

4o 4+ 2y +3 =33 o y=15—-2x o Yy =
(z—3°+(y—4)7=5 (x—3)%+ (11 —22)*=5 T = 5.

Vay 2z =5+ 5i = |z +i| = |5+ 6i] = v/61.

Chon dap z’m@ OJ
Cau 10. S6 phiic lien hop ctia s6 phiic 2 = 44 — 7 1a

[A] -7 —4i. B) —7 + 4i. (©) 7+ 4i. D)4+ 7i.
Loi giai.
Ta c6 z = -7 — 4i.
Chon dép an (A) O
Cau 11. S6 phiic lien hop clia 2z thda man bat déng thic (1 +i)z = —1 4+ 3i 1

[A]z=1-2i B)z=1+2i (©)z=-3+3i. D)z =3+ 3i.
Loi giai.

1430 (—1+3i)(1—i
Taco (1+i)s = —1+3i e o= 2000 (ELES)E=0) )
1+ 2

Vay s6 phiic lién hop clia z 147 = 1 — 24.
Chon dap z’m@ 0
Cau 12. Rit gon biéu thitc P = 2000 4 42021

[A]P=1+i. BP=1-i ©P=-1+i. D)P=-1-i.
Loi giai.
P = 2000 4 2021 = (§2)19%0 4 (32)110 5 = 1 44,
Chon dép an (A) O
Cau 13. Tim s6 phitc w = 3z + 2z biét z = 1 + 2i.

[A]w =4+ 4i. B)w =4 — 4. (©w=2—4i. D) w =2 + 4i.
Loi giai.
Tacow=324+2=314+2i)+1—-2i=3+4+6i+1—2i=4+ 4.
Chon dap én@ O

. . 1
Cau 14. Cho so phtic z = 7 — 4. Tim s0 phic w = —.
z
7 1. 1 7. 1 7. 7 1.
Loi giai.
Ta o6 1 1 7T+ 7+1.
acow=—= = = — 4+ .
z T—1 (7T—4)(7+4) 50 50
Chondépén@ OJ
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. . . 4 21 R
Cau 15. Tim tat ca cac gia tri thuc ctia tham s6 m de so phiic z = + Z ¢6 phan thuc duong.
m — 21
m < —2
(A)m > 2. : (©—-2<m<2 D)m < —2.
m > 2
Loi giai.
C6 » — (m + 2i)(m + 2i) _ m2—4+ 4mi .
m2+4 m2+4 m2+4
N 9 ~ ) m < —2
Phan thuc cia z duong nén m* —4 > 0 & )
m > 2
Chon dap an O

Cau 16. Tim s6 phiic z ¢6 phan 4o duong théa z? — 2z + 10 = 0.

[A]2=1+3i. B)z=—1+3i. (©)z=2+6i. D)z = -2 + 6i.
Loi giai.
Ta c6 A’ = —9. Phuong trinh da cho c¢6 cdc nghiém phtic 14 z = 14 3i. Do d6, nghiém phiic c¢6 phan
ao duong la z = 1 + 3i.
Chon dap an @ O
Cau 17. Ki hiéu 2y, 29 14 cac nghiém phtic ctia phuong trinh 22 — 62 + 10 = 0 (z; ¢6 phan 4o la s
am). Tim s6 phtc lién hop ciia s6 phitc w = 322 — 222 + 1.

[A]w =9 + 30i. B)w = 9 — 30i. (©)w=9—10i. (D)@ = 30 — 9i.
Loi giai.
Phuong trinh 22 — 6z + 10 = 0 ¢6 cac nghiém z; = 3 — 4, 29 = 3 + 4.
Tacow=322—2:2+1=3(3-14)2—23+14)2+1=9—30i. Titdé céw =9+ 30i.
Chon dap an @ O
Cau 18. Ki hiéu 21, 2, 23, 24 1a bdn nghiém ctia phuong trinh 24 + 22 — 6 = 0. Tinh S = |2| +
|22| £ [2s] + [24].

(A) S =2v3. ®Ss=2(v2-v3). ©s8=2v2 D]Ss=2(vV2+V3).
Loi giai.
22 =-3 [z = +iV/3

4

Tacozt+22—6=0< .
22 =29 2= +V2

Do d6 S = |a1] + |zl + || + laa] = |=iv/3] + | V3| + |[-v2| + |v2| = 2 (V2 + v3).
Chon dép an (D) O
Cau 19. Biét z; = 2 —1 14 mot nghiém phitc ctia phuong trinh 22 +bz+c =0 (b, c € R), goi nghiém
con lai 1& z. Tim s6 phitc w = bz + czs.
(A)w =18 —i. B)w =18 +i. ©w=2-9i [D]w=2+9i.
Loi giai.
Phuong trinh da cho 1 phuong trinh bac hai v6i hé s6 thuce. Do d6 2o = Z7 = 2 + 1. Ap dung dinh
Iy Vi-ét ta dugce
b
S=—=2z1+2=4 h=—4
~

1
P:%:,2122:5 C:5'

Tu do ta co
w=bz +czg=—4(2—1)+5(2+1) =2+ 9.

Chon dap an @ O
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Cau 20. Cho a, b, ¢ 1a cac sd thiyc sao cho phuong trinh 23 4+ az% + bz + ¢ = 0 ¢6 ba nghiém phiic
lan lugt 1a 21 = w + 3i, 20 = w + 91, 23 = 2w — 4, trong d6 w la mot sé phitc ndo dé. Tinh gia tri clia
P=la+b+.
(A) P = s4. B) P = 36. [C] P =136. (D) P = 208,
Lo giai.
Gid st w =z + yi (z,y € R), ta co:
Nt z2mt+zm=—0a & 4dw+121—4=—a
& (dr—4)+ (dy+12)i = —a

4oy —4 = —a
=y =—3.
dy+12=0

Suy ra zy = x, 29 = x + 61, 23 = 20 — 4 — 6i.
Lai co:

2129 4 2023 + 2321 = b
& (2% + 63i) + (227 — 4o + 36) + (62 — 24)i + (22° — 42) — 62i = b
& (52® — 8z +36) + (6x —24)i = b

{5x2—8x+36:b

6r—24=0
=4

= a=—12.
-

Thay z; = 4 vao phuong trinh, ta c6: 64 —12-164+84-4+c =0 & ¢ = —208.
Vay P = |a+ b+ c| = 136.

Chondépén@ OJ

BANG DAP AN

1. DJ2. Cc][3 cll4&. D]l5. C] B |[7. D8 B]| A ]l10. A |

[11. A J[12. A J[13. A][14. D J[15. B ][16. A ][17. A |[18. D |[19. D |[20. C |
Pésb2

Cau 1. Cho hai s6 phiic z; = a + bi va 2, = 3 + 154. Diéu kien dé 2, = 2, 13

Ala=3vwab=15. ®Ba=6wb=15 (Ca=15wb=3  (D)a=3vab=30.
Lai giai.

24 . = . . Ja=3

Dé hai so phiic z; = 25 thi {6:15.

Chon dap &n (A) O

Cau 2. Cho sb phtic z = —3 + 2i. Téong phan thie va phan 4o ctia s6 phiic z bing
~1. —i, (C) 5. (D) —5i.

Loi giai.

S6 phtic z = —3 + 2i ¢6 phan thuc bing —3, phan 4o bing 2. Tong phan thuc va phan 4o cta s

phtc z la —1.

Chon dap an @
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Cau 3. Cho s6 phiic z = 4 — 24 khi d6 diém M biéu dién s6 phiic z trén mat phang cé toa do la
(A) M (4; —2i). M(4; —2). (©) M(—2;4). (D) M (—2i; 4).

Lai giai.

S6 phiic z = 4 — 2i ¢6 diém biéu dién trén mat phang toa do 1a M (4; —2).

Chon dap an U
Cau 4.
Diém M trong hinh vé bén la diém bicu dién ctia s6 phiic z. Tim phan thuc va y
phan 4o ctia s6 phiic z.
(A)Phén thuc 1a 1 va phan 4o 1a 2. Phan thue 1a 1 va phan o 1a 2i. Y
Phan thyc 13 2 va phan 4o 1a 1. @ Phan thyc 13 2 va phan 4o 1a i. lp-------- >
0 2 T
Lo giai.
Diém M (2;1) la diém biéu dién ctia s6 phitc z = 2 + 1.
Chon dap an @ O
Cau 5.
Cho s6 phtic z thod man 3z = 3 + 6i. Hoéi diém biéu dién clia z 1a diém nao Y,
trong cac diem M, N, P, Q & hinh duéi day? 9
(A)Diém 0. N4
Diém P. | |
Diém M. | :
(D)Diém N. 1 0 T
pP--- T 5" Q
Loi giai.
3+ 67
Ta c6 z = kil =14 2:.
Do d6 diém biéu dién s6 phitc z 1a diem M (1;2).
Chon dap an @ O
Cau 6. Tinh modun cia s6 phiic z = 4 — 3i.
(A)|z| = 25. B)|z| =7 ©) 2] = V7. [D]|2| = 5.
Lo giai.
Ta co: |z = 1/42 + (—3)°=5.
Chon dap an @ O
Cau 7. Néu modun ctia s6 phiic z bing 7 (r > 0) thi modun ctia s6 phitc (1 — i)z bing
@r\/ﬁ. 2r. @47‘. @r.
Lo giai.
(1—i)% =2 2= ‘(1 —i)Qz‘ = |2 2| = |-2i] - |2| = 2r.
Chon dap an O
Cau 8. S6 phiic 2 = a + bi thdéa man (1 — 3i) z 14 86 thyc va [z — 2+ 5i] = 1. Khi d6 a + b 1a
Aa)o9. 8. (©)6. D)7.
Loi giai.
Ta c¢6: (1 —3i) z= (1 —3i) (a + bi)=a+ 30+ (b — 3a) .
Vi (1 — 3i) 2 1a 86 thyc nén b — 3a = 0= b = 3a. (1)
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Z—245i=1ela—2+G-0i =12 (a—2)°+(5-b)>=1. (2)
a=2=b=06
Thé (1) vao (2) ta cé: (a — 2)° + (5 — 3a)” = 1< 10a® — 34a + 28 = 0= 7
a = — (loai).
Vaya+b=24+6=8.
Chon dap an (B) O
Cau 9. Goi z = z 4+ yi (z,y € R) la s6 phiic théa man hai didu kien |z — 2° + |z + 2> = 26 va
3 3 .
z — — — —=t| dat gia tri 16n nhat. Tinh tich zy.
‘ ve \é§ o | 13 ’ 16 9
@l‘y:—. l’y:— @Iy:— @[L’y:*.
4 2 9 2
L&i giai.

Diat z = 2 + iy (z,y € R). Thay vao diéu kién thit nhat, ta dugc 2% + y* = 36.
Dit o = 3cost, y = 3sint. Thay vao diéu kién thit hai, ta c6

3 3 \/ ] T
P= |- 24— 18—1851n<t+—)§6.
‘ V2 V2 4

L s 3 3V2  3vV2

Daubéngxéyrakhisin<t—l—z>:—1:>t:——ﬂz>z:—i— \/_z
9 4 4 2 2

Do dé6 xy = 7
Chon dap én@ O
Cau 10. Cho s6 phiic z = 1 + i1/3, s6 phiic lien hop ciia s6 phiic z la:

(A)z=—-1+iV3. B)z =3 +i. ©z=-v3—i. D]z=1-iv3.
Lo gii.
z=a+bi=Z=a—bivayz=1—i/3.
Chon dap én@ O

Cau 11. Tim s6 phc lién hop ctia s6 phic z = (=2 4 3i) (7 — 8i).

[A]z = 10— 37i. B)z=-10-37i.  (C)z=38—37i. (D)z = —38 — 37i.
Loi giai.
z2=(—2+3i)(7T—8) =10+ 37 =z =10 — 37i.
Chon dap an @ O
Cau 12. Tinh modun ctia s6 phic z thoa (1 —2i) 2z — 3+ 2i = 5.
3v/85 V85 V85 2/
@2l == ® el = —— © el =5~ D] 2| = =~
Loi giai.
8§—2¢ 12 14 2v/85
(1-2)z-342=5&2=——0 = =+ =im |1 = =—.
Chon dap an @ O
Cau 13. Cho s6 phtic z; = 1 + 2i va 2o = —2 — 2i. Tim modun clia s6 phiic 2, — 2.

|zl—zg|:5. |21—22|:1. ©|Zl—22|:\/17. @|Z1—22|:2\/§.
Lo giai.
Ta ¢ |21 — 20| = [(1+2i) — (=2 — 2i)| = [3+ 44| = V32 + 42 =5.

Chon dap z’m@ O
Cau 14. S6 phiic nghich ddo ctia s6 phiic z = 1 + 3i 1
1 1 1
— (14 372). — (1 —31). 1— 3. — (14 37).
(&) 5 (1+30) B] - (1-3i) ©1-3i D) =30
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Loi giai.
1 1 1—3 1
Tacoz=1+3i=> - = = = —(1—317).
a co z + ot 2 113 12_(3@,)2 10( z)
Chon dap an (B) O

Cau 15. Cho hai s6 phiic z,w théa man |z — 1| = |2+ 3 — 2i| vaw = z + m + i v6i m € R la tham
s6. Gia tri ctia m dé ta luon c6 |w| > 2v/5 1a
m>7 m>T7

@) ey g (©-3<m<T. D)3<m<T.
Loi giai.
Tac6z=w—m—inén|w—m-—1—1i|=|w—m+3—3i.
Goiw=a+bi, a,b € R. Ta c6
(a—m—1)+(b-1)i|=|(a—m+3)+(b-3)i| & (a—m—1)*+(b—1)> = (a—m+3)*+ (b—3)?
Suy ra b = 2a — 2m + 4. Ta lai c6
|w|? = a® +b* = a® + (2a — 2m + 4)? = 5a? + 8(2 — m)a + 4m? — 16m + 16.
Dé jw| > 2v/5 < 5a% + 8(2 — m)a + 4m? — 16m — 4 > 0 v6i moi a.

s A/ 2 2 m =1
Tuong duong véi A’ <0< 16(2 —m)* —5(4m* — 16m —4) <0 & < 3
m < —3.
Chon dap an O
Cau 16. Tim nghiém phiic ctia phuong trinh: 22 4 2z + 2 = 0.
@x1:2—i;x2:2+i. :L'l:—l—i;:ljgz—l—i-i.
@xlzl—i;xgzl—i-i. @xlz—Z—i;xQZ—Q—i-i.
Loi giai.
Taco: A =22 —4-1-2= —4suy ra A c6 mot can bac hai la 2i, phuong trinh c¢6 hai nghiém:
—2—2i 1 —242 14
T = =—1—1d;29 = =—141
1 9 y L2 2
Chon dap an O
1 1
Cau 17. Goi 21, 2 la hai nghiém phiic ctia phuong trinh 222—3z44 = 0. Tinh w = —+—+iz; 2.
21 9
3 3 3 3
[Alw=7+2i B w=7 +2i Quw=2+3i Dw=—7 +2i
Loi giai.
3
Theo dinh 1y Viét ta c6 21 + 25 = o 2129 = 2.
1 1 z21+ 20 3 .
W= —4+— 412120 = + 12129 = — + 2¢.
21 2 Z122 4
Chon dap an @ O

Cau 18. Goi 21, 23, 23,24 la bon nghiem phiic clia phuong trinh 22* — 32> — 2 = 0. Tong T =
21| + [ 22| + |23] + | 24| bang?
3\/5. 2\/5. @0‘ @\/5(24—2)

Lai giai.

22 =2 (2 =+V2
Tacod: 222 —322-2=0« ) 1 & NG}
22—5 z=d—1.
2 2 2 2
T=|21\+|z2|+\23!+|z4!=‘\/5‘+(—\/§ + %z + _\/T_i :\/§+\/§+§+§:3\/§.
Chondépém@ O
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Cau 19. Phuong trinh bac hai nao sau day c6 nghiém 1 + 2¢7
@22—2z+3:0. z2+22+5:O. [C]22—22+5=0. @22—}-2,2—1—3:0.
Loi giai.
Vi 1+ 2i 1a nghiém ctia phuong trinh bac hai az? +bz 4 c¢ = 0 nén 1 — 2i cling 14 nghiém ctia phuong
trinh bac hai az? + bz +c= 0.
(1+20)(1—2i) =5 , i , i
Ta co suy ra 1 + 2i 1a nghiém ctia phuong trinh bac hai 22 — 22 +5 = 0.
1+214+1—-20=2
Chon dap an (C) O
Cau 20. C6 bao nhiéu s6 phtic z théa man |z + 1 — 3i| = 3v/2 va (z + 2)* 1a s6 thuan 407

[A]3. B)4. ©1. D)2.
Loi giai.
Goi z =z +yi(x,y € R), khi d6
24+1-3i|=3V2e (z+ 1)+ (y—3)> =18 (1)
Lai c6
(42 =[x+ Wy+2)i" =2 — (y+2)° + 2z (y+ 2)i.

Theo gia thiét ta co
rT=1y+2

2 —(y+2)° =0«
(y+2) r=—(y+2).

Truong hop 1: x = y+ 2 thay vao (1) ta duge phuong trinh 2y? = 0 va giai ra nghiem y = 0, ta dugc
mot s6 phiic 2, = 2.

Truong hop 2: x = — (y + 2) thay vao (1) ta duge phuong trinh 2y? — 4y — 8 = 0 va gidi ra ta duge
y=1++5 e 2 <6 o m=-3-V5+(1+V5)i
, ta duge 2 s6 phiic
y=1-+5 z=—3+V5+(1-V5)i.

Vay c6 3 s6 phiic thda man yéu cau bai toan.

Chondémpén@ O

BANG DAP AN

1. A2, A3 B4 cCl|l5. clle. D|l7. B][s. B D |[10. D |

[11. A ][12. D |[13. A |[14. B |[15. B ][16. B |[17. A J[18. A |[19. C |[20. A |
Pé s6 3

Cau 1. Tim phan thuc va phan 4o ctia s6 phtic z = 3 + 2i.
@Phﬁn thiyc bang —3 va phan 4o bang —2i. Phan thyc bang —3 va phan 4o bang —2.

@ Phan thyc bang 3 va phan 4o bang 2i. [D] Phén thyc bing 3 v phan 4o bing 2.
Loi giai.
Chon dap an @ OJ

Cau 2. S6 phiic z = 2 — 3i ¢6 diém biéu dién la

(A) (2;3). (—2;—3). (2;—3). (D) (—2;3).
Lai giai.
Chon dap an @
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Cau 3. Trong mit phing phiic cho diém M(y/2;3). Trong cac khing dinh sau, khing dinh nao
sai?

@Diém M biéu dién cho s6 phitc ¢6 mo6 dun bang v/11.

Diém M biéu dién cho s6 phitc khong thuan ao.

(C)Diém M biéu dién cho s6 phitc u = v/2 + 3i.

[D|Diém M biéu dién cho sé phitc ¢6 phan 4o bing /2.

L3i giai.
Diém M biéu dién cho s6 phiic w = /2 + 3i = |w| = 1/(v/2)? + 32 = V11.
Chon dap an @ O

Cau 4. Cho s6 phtic z = 2 + 5i. Tim s6 phitc w = iz + Z.
(A)w=7-3i. Bl w=—3-3i. (C©w=3+Ti. D) w = —7—Ti.
Loi giai.
Cow=ir+7=i(2+5)+(2—5) =2 —5+2—5hi=—3— 30
Chon dap an (B) O

. 1 .
Cau 5. Cho s0 phtic z =5 — 3i. Tinh = ta dugc ket qua
Z
. D 3. . 3 d .
@5—32. 3—4—3—42. @3—52. @5—4—5—42.

Loi giai.
Cho z =5 — 3¢, suy raz =5+ 3i.

1 1 5— 31 5 — 3 ) 3.
DO dO - = T = - — = = — — —1.
zZ 5+3i (5—3i)(5+ 3i) 34 34 34
Chon dap an O

Cau 6. Goi z; v 2 13 hai nghiem phiic ctia phuong trinh 22 + 2z + 10 = 0. Tinh gia tri ctia biéu
thitc A = |21 + |20]2.
(A) 4v/10. 21/10. (C) 3v10. (D) V/10.
Loi giai.
Ta c6 A’ = —9 = (3i)%
z2+2z+10:0®z:—_b/i@© a=-l43
a 29 = —1 — 3i.
Suy ra A = |12 + |2|* = 2V/10.
Chon dap an O
Cau 7. S6 nao sau day la s6 dbi clia s6 phitc z, biét z ¢6 phan thyc duong thdéa man |z| = 2 va
thuoc dudng théng y — v/3z = 0.
(A) 1+ V3i. B)1-3i. [C] -1 - V3i. D) -1+ V3.
Loi giai.
Goi z =z +yi (z, y € R).
x>0 x>0
Theo gia thiét, ta c6 { Va2 +y2 =2 o’ +y° =4 & {x_ !
y=V3.
Yy — V3r=0 Y= V3
Suyraz:1+\/§i:>—z:—1—\/§i.
Chon dap an (C) O

Cau 8. Cho s6 phitc 2 théa man z-z = 1 va |z— 1| = 2. Tinh tong phan thic va phan 4o clia z.

(Aa)o. B)1. [C] 1. (D)2.

Lai gidi.
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bat z =a+bi (a, be R), suyraz =a — bi.

Tt 2z =1, ta dugc a®> + b? = 1 (1).
Tu|[z—1] =2, tadugc |[(a—1) —bi|=2 /(a— 12+ =2& (a— 1)+ =4 (2).
Tu (1) va (2), ta c6 hé phuong trinh {a2 t=1 & {a = =a+b=—-1

’ ' (a—17°+b*=4 b=0
Chon dép &n (C) O
Cau 9. Trong céc sb6 phtic z théa man |iz — 3| = |z — 2 — |, tim phan thyc ctia s6 phtic z sao cho

|z| nho nhat.
1 2 1 2
@1 2
) 5 5 5)
Loi giai.
Goi z =z +yi (z, y € R).
Theo gia thiét, ta co

li(x 4+ yi) — 3| = |x + yi — 2 — i
& [(=3—y) +ail =z -2)+(y - 1)

& By trat=/(z-22+(@y-1)2er=-2—1

2\* 1 5
Kt 06 2 = T = 0 TP = VT =[5 (5 2) + L2 2
. 1 2
Dau “=" xay ra khi va chi khi x = o Y="%
Chon dap én@ O

Cau 10. S6 phiic lien hop ctia s6 phiic a + bi 14 s6 phiic

@Z’z—@—kbi. z’:b—ai. @z’:—a—bi. D]~ = a— bi.
Loi giai.
Chon dap an @ O
Cau 11. S6 phiic z thdéa méan z + 2 -z = 6 — 37 c6 phan 4o bang

3. B) -3. (C) 3. D)2.
Loi giai.
bat z=z+yi (z, y € R), suy ra z =z — yi.
Theo gia thiét, ta co

, , , , , 3r =20 T =2
r4+yi+2r—yi)=6—-3i=3r—yi=6—3i &

-~
—y=-3 y = 3.

Chon dap an @ O
Cau 12. Phan tich z = 27 + i vé dang tich ciia hai s6 phitc. Khing dinh nao sau day dang?

(A) (3+1)(8+ 3i). (3 —14)(8 + 3i). @%(3—1’)(8—32’). @—%(3—1)(8+3@').
Lai giai.

o (3+1)(8+3i) =21+ 17i (loai).

o (3—i)(8+3i)=27+i (ding).

1 . N . .
o 5(3 —1)(8 = 3i) = 5(21 — 17i) (loai).
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1 . . 1 , .
o —5(3 —1)(843i) = —5(27 + 1) (loai).

Chon dap an O
Cau 13. C6 bao nhiéu s6 phiic z théa man z -z = 10(z + Z) vd z ¢6 phan 4o bing ba lan phan

thuce?

Ao B]2. ©1. D)3.

Lai giai.
Dit z =a+bi (a, b € R), suy ra z = a — bi.
Twz-z2=10(z+2) & (a + bi)(a — bi) = 10 [(a + bi) + (a — bi)] & a® + b* = 20a. (1)
Hon nita, s6 phtic z ¢c6 phan 4o bang ba lan phan thuyc nén b = 3a. (2)
a=2
a® +b* = 20a b=6
Tu (1) va (2) ta cé &
()Va()aco{bzga I
b=0.
Vay ¢6 2 s6 phiic can tim 1a 2 = 2+ 61 va 2z = 0.
Chon dap z’m OJ
. 1 .
Cau 14. Dang z = a + bi ctia so phtc CYDE la so0 phtc nao dudi day?
i
3 2 3 2 3 2 3 2
Al — — —i. — 4+ —i. —— + —i. - — —i.
Al 75 - g5 Bz+5 O©-5+5 13 13
Lai giai.
1 32 3-2 3 2
Co - = , ~ = == — —1.
3420 (3—2i)(3+2i) 13 13 13
Chon dap én@ O
~ P . . 2 ~ |Z|2 . Q(Z“‘Z) oL
Cau 15. S0 phtic z = a + bi théoa man — + 2iz + — = 0. Khi dogbang
z — 1
3 3
@) -s. B <. © ;. OH
Lai giai.
Co
2 2 .
4 g 4 220
z 1—1
z2:Z . 2z4+9)01+7)
o 22409 —
P s iRy
& Z42iz4+(z+0)(1+49) =0
& (a—bi)+2i(a+bi)+ (a+bi+i)(1+i)=0
& 2a—3b—1+Ba+1)i=0
1
20-3b-1=0 |o=—3
=
3a+1=0 b:—§
5
a 3
Vay — = —.
Y75
Chon dap én O

Cau 16. Goi 21, 2 la hai nghiém phiic cia phuong trinh 22 — 4z + 5 = 0. Khi d6 phan thuyc ctia s6
phic w = z} + 23 béng
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(A)o. B)Ss. (C) 16. [D]6.
Loi giai.
Co A'=16—20 = —4 = (2)%
Do d6 phuong trinh cé hai nghiém phiic 21 =2 — i va 20 = 2 4 1.
Suyraw =2z} +25=(2—1)2*+(2+14)? =6.
Chon dap an @ O

Cau 17. Tham s6 phiic m bing bao nhiéu dé phuong trinh 22 + mz + 3i = 0 ¢6 tong binh phuong
hai nghiém béang 8?
) ) m=3-+1 m=3-+1
@m—3+z. m——3—i—z. [m_—B—yﬁ' ®[m:—3+i'
Loi giai.
Vi m 1a tham s6 phtic nén gid st m = a + bi (a, b € R).
21+ 20=—m
21+ 29 = 31.
Yéu cau bai toan 22 + 22 =8 & (21 + 22)2 — 221 - 20 =8 & (—m)* —2-3i =8 & m? =8+ 6i

a=3
a’ — b =8 b=1

(:)(a+bi)2:8+62'<:>{ &

2ab =6 a=—3
b= —1.

Suy ra m = 3 44 hodic m = —3 — i.
Chon dap an @ O
Cau 18. Ki hiéu 21, 2, 23 v 24 1a bon nghiém phtic ctia phuong trinh z* — 22 — 12 = 0. Tinh tong
T = |z1| + |z2] + | 23| + |24]-

(A)T = 4. B)T =2V3. [C]T = 4+2v3. D)T =2+ 2V3.

Lai gidi.

Goi 21, 2o la hai nghiém ctia phuong trinh. Theo Vi-ét, ta ¢6 {

Tacoz*—22—-12=0< 22
2 =-=3 2 = +iV/3.

Do d6 T = |z1| + |za| + |23] + |24 = 4 + 2V/3.
Chon dap an (C) O

+7% = 2. M6 dun clia s6 phiic w = 22—z bang

Cau 19. Cho s6 phtic z thoa man diéu kien : & ,
— 2

lw| = v/10. B) |w| = 4. (©) Jw| = V13. (D) |w| = 2V/10.

Lai giai.

Tacd r—p- +72 =2 2 +2(1 - 2i) = 2(1 - 2i).
— 41

bat z =a+bi (a, b € R), suy ra Z = a — bi.

Theo gia thiét, ta c6 a + bi + (@ — bi)(1 — 2i) = 2 — 44

26 —2b =2 a=2
=

—2a=—4 " \b=1

Suyraw=2>—2=2+1)>*—(2+1) =1+ 3.

& (20— 2b) — 2ai = 2 — 4i &

Vay |w| = v/10.
Chon dap an @ O

Cau 20. Cho s6 phiic z théa méan |z| = 4. Biét ring tap hgp céc diém bicu dién s6 phic w =
(3 + 44)z + 4 la mot dudng tron. Tim ban kinh r cia dudng tron dé.

(A)r=4. B)r=5. [C]r = 20. D)r =22.

Lai gidi.
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Goi 86 phic w =a + bi (a, b € R).
Cow=(3+4i)z+i< w—1i=(3+4i)z. Lay mo dun 2 vé ta c6
lw—i| =3+ 4i)z] & Ja+ (b—1)i| = [3+4i| - |2| & a* + (b—1)* = 20°.

Chon dép &n (C) O
BANG PAP AN
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