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Luyén mai thanh tii- miét mai tit gidi. 2D1-BT33:BL s6 CUC TRI H tri tuyét déi= PP xét ham.
BAI 33. BIEN LUAN SO PIEM CUC TRI HAM TRI TUYET POI BANG
PHUONG PHAP XET HAM.

A.LY THUYET:
Bai toan 1:
Tim gid tri ciia tham s6 m dé ham s6 y = |f(x) +f(m)| cé n diém cuc tri.
Phuong phap:

» S6 diém cyc tri cia ham s y = |f(x)+f(m)| DANG oo

Cac ban xem lai bai toan 18: bién luan sé diém cwe tri ham tri tuyét d6i dwa vao do thi.

Ta thuc hién cac budc sau

Bai toan 2:

Cho ham sé y = f(x) bién ludn s6 ciee tri ciia ham y = f(|x+m|)
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

B. Vi DU MINH HQA

Caul.

Cau 4.

C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham sd y = ‘(x+ 1)(x—2)2 + m‘ ¢6 5 diém cuc
tri?

A. 2. B. 3. C. 4. D.5

C6 bao nhiéu gié tri nguyén ctia tham so m dé ham s6 y =|—x’ +3x> —1—m| c6 5 diém cuc
tri?

A. 2. B. 3. C. 4. D.5.

C6 bao nhiéu gié tri nguyén ciia tham so m dé ham s6 y = [3x* —4x’ —12x*> +m| c6 7 diém
cuec tri?

A. 3. B. 5. C.6. D. 4.
Tat ca cac gia tri thyc ctia tham s m déham s y = ‘xS —5x +5x* +m —1‘ ¢6 5 diém cyc tri la

m>1 m>27
A, —1<m<27. B. 27<m«<l]1. C. . D. .
m< =27 m<—1

C6 bao nhiéu gia tri nguyén duong cta tham s6 m dé ham s6
y=13x*—4x* —6x* +12x+1+2m| c6 3 diém cuc tri?

A. 5. B. 4. C.6. D. V6 sb.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

C. BAI TAP TREN LOP

Cau l.

Cau 2.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cho hamso y = |sinx + x+m|. Hoi c6 bao nhiéu gia tri nguyén ctia m dé ham s6 da cho c6 ding

mot diém cuc tri?
A. 0. B. 1. C.2. D.vo sb.

C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham so y =|x* —8x +18x” +m| c¢6 3 diém cuc
tri?

A. 1. B. V6 s6. C.2. D. Khong co.

Tim tat ca cac gia tri cia m dé ham sb y=|x*+2x+m| co dung ba diém cuc tri.

A.m>1. B. m<1. C. m<1. D. m>0.

Cho ham s6 y =|sin2x+x+m|. Hoi c6 bao nhiéu gia tri nguyén ciia m dé ham sb di cho co
ding ba diém cuc tri?

A. 2. B. 1. C.0. D. 3.

C6 tét ca bao nhiéu s6 nguyén m thudc doan [-2017;2017] dé ham sd y =|x* —3x* +m| c6 3

diém cuc tri
A. 4032. B.4034 . C. 4030. D. 4028

. v LA , L ~ , X 2 13 £ m|
Goi S 1a tong cac gia tri nguyén ctia tham so m dé ham so y =|x’ —3x*—9x-5 +3 co 5

diém cuec tri. Vay S s€ nhan gia tri nao sau day?

A. 2016. B. 1952. C. -2016. D. —496.

(HSG12 tinh TINH VINH PHUC 2018-2019) Tim tit ca cac gia tri thuc cua tham sb m dé
ham s y=|x’=3x" +m—-2| c6 dung nim diém cuec tri

A. m<2 hoac m=>26. B.m<2hoicm>6. C.2<m<6. D.2<m<6.

Tim tat ca cac gia tri thyc ctia tham s6 m dé ham s6 y = ‘x3 -3x + m‘ ¢6 5 diém cyc tri.

A. 4<m<0. B. 4<m<0. C.0<m<4. D. m>4 hoac m<0.
C6 bao nhiéu gia tri nguyén cua tham sé m dé ham s6 y = ‘(x+l)(x—2)2 +m‘ ¢6 5 diém cyc
tri?

A. 2. B. 3. C. 4. D.5

[2D1-2.1-3] Cho ham s6 y =|x* —8x® +m|. Vi nhiing gia tri ndo cta tham s6 m ham sd c6 5
diém cuec tri.

A.m>0. B. m>0. C. m=0. D.m<0.
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

[THPT PHAN CHU TRINH PAKLAK LAN 2 - 2018] C6 bao nhiéu gia tri nguyén duong
ctia tham s6 m dé ham sd y =[3x* —4x* —12x% + m‘ c6 5 diém cuc tri.
A. 44 B. 27 C. 26 D. 16

(HSGI12 Tén Yén - Biic Giang Nim 2019) Biét m € (a;b)véi a,beQ thi ham sb

y= ‘xs —5x° +5x* +10m —1‘ ¢6 5 diém cuec trj. Tinh tong a+5b?

A B. -2L. c. L. p. - 2.
5 10 10 5

C6 bao nhiéu s nguyén m e (—-2019;2019) dé hamsb y = ‘xs —5x" —20x+ m‘ ¢6 5 diém cuc
tri?
A. 95. B. 48. C. 47. D. 94.

Tét ca céc gid tri thyc clia tham s6 m dé ham s6 y =|x* —5x° +5x" +m—1| c6 § diém cuc tri Ia

m>1 m>27
A, —1<m<27. B. 27<m«<]1. C. . D. .
m< =27 m<-—1

(Pé tham khao BGD nim 2017-2018) C6 bao nhiéu gia tri nguyén ctia tham sé m dé ham sb
y= ‘Sx4 —4x* =12x* +m| c6 7 diém cuc tri?

A. 3. B. 5. C.6. D. 4.
[2D1-2.5-3] Tong tat ca cac gi tri nguyén ctia tham s6 m dé ham sd y = ‘3x4 —4x’ —12x" +2m

¢6 7 diém cuc trj bang
A. 2. B. 6. C. 4. D. 3.

Tap hop céc gia tri cia m dé hamsd y = ‘3x4 —4x’ —12x* +m —1‘ ¢6 7 diém cyc tri 1

A. (0:6). B. (6:33). C. (1;33). D. (1;6).

Cho ham sb bac ba y = f(x) ¢6 dd thi (C) nhu hinh duéi day. Goi S 1a tAp cc gié tri nguyén
cua tham s0 a trong khoang (-23;23) dé ham s6 y = | f (x)+a| c¢6 dung 3 diém cyc tri. Tinh

téng cac phan tir cia S .

J\y

A. 3. B. 250. C.0. D. -253.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Céau 19. Cho d6 thi ham s6 y = f(x) c6 dang hinh v& bén. Tinh tong tit ca gia tri nguyén ciia m dé ham

sO y= |f(x)—2m +5| c¢6 7 diém cyc tri.

D. 2.

yh
2
—-2| -1 1 2 =z
O
—2
A. 6. B. 3. C.5.
Céu 20. Cho ham s da thirc bic ba y = f (x) c¢6 d6 thi nhu hinh bén. Tim tat ca cac gia tri cua tham sb
m déham s y =|f(x)+m| c6 ba diém cyc tri.
.ll.;L_n
l; /
0 g
_3 —————
A. m<-1hoic m=23. B. m<-3 hoaic m>1.C. m=-1 hoac m=3.
D. BAI TAP REN LUYEN
Caul. Chohamsé y= f(x) ¢ dd thi nhu hinh bén.
yA
12
0 § x
J...3 i

Goi S 14 tap hop tat ca cac gia tri nguyén duong ctia tham sb m dé ham sb

y= |f(x -2018)+ m| ¢6 5 diém cyc tri. Tong tit ca cc gia trj cua tap S béng

A. 9. B. 7.

C. 18.

D. 12.
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2D1-BT33:BL s6 CUC TRI H tri tuyét dbi= PP xét ham. When the student is ready , the teacher will appear.

Cau 2. Hinh vé& dudi ddy 1a dd thi ciia ham s6 y = f(x).

y e

W

—3

-6 L —

C6 bao nhiéu gia tri nguyén duong cua tham s6 7 dé ham sb y= | f (x + 1) + m| ¢6 5 diém cuec tri?
A. 0. B. 3. C. 2 D. 1.

Cau3. Chohamsdbicba y= f(x) ¢ d6 thi nhu hinh bén.

A1

-3 F--—-

S gia tri nguyén cuia tham sé m e [—2019;2019] dé hamsb y = |f(x+ 2019) + m| c6 ba diém
cuc tri la

A. 4036. B. 4037. C. 4039. D. 4038.

Nhin xét: Dé ham s6 y =|f (x+2019)+m| c6 ba diém cyc tri thi tir dd thj va phép bién doi o

thi (lay ddi xtmg qua truc Ox ) ta c6 phuong trinh f(x+ 2019) =—m c6 dung 1 nghiém

Ciu4. Cho ham sb f(x) = (m—l)x3 —5x° +(m+3)x+3 . Co tit ca bao nhiéu gi tri nguyén cua tham
s6 m dé hamsd y =f(|x|) c6 dung 3 diém cyc tri?

A. 3. B. 1. C.2. D. 4.

Cau 5. (Cobaonhiéu gia tri nguyén cua m (|m| < 5) déhamsé y = ‘x3 —(m —2)x2 —mx—m?| c6 ba diém

cuc tiéu?
A. 5. B. 4. C.6. D. 3.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

BAI 33. BIEN LUAN SO PIEM CUC TRI HAM TRI TUYET POI BANG
PHUONG PHAP XET HAM.
A.LY THUYET:
Bai toan 1:
Tim gid tri ciia tham s6 m dé ham s6 y = |f(x) +f(m)| cé n diém cuc tri.
Phuong phap:
» S6 diém cyc tri cia ham s y = |f(x) + f(m)| bang tong s6 sé diém cuec trj ciia ham sb
y= f(x) va s nghiém phuong trinh f(x)+f(m) =0.
Cic ban xem lai bai todn 18: bi¢n luan sé diém cue tri ham tri tuyét ddi dua vao do thi.
Ta thuc hién cdac buoc sau
Buée 1: Lap bang bién thién tim s6 diém cyc tri ciia ham s6 f (x) (vi du ¢6 n, diém cyc tri).
Buege 2: Phuong trinh f(x)+ f(m)=0 (*) c6 n—n, nghiém.
Buwéc 3: Chuyén bai toan tim s6 nghiém cua (*) vé dang tim s6 giao diém cua 4 thi y = f (x)
va duong thang y = —f(m) .
Buwéc 4: Dya vio bang bién thién tim gia tri m .
Bai toan 2:

Cho ham s6 y = f(x) bién ludn s6 ciee tri cia ham y = f(|x+m|)
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.
B. Vi DU MINH HQA

Cau 1. C6 bao nhiéu gia tri nguyén ctia tham sé6 m déhamsb y = ‘(x+1)(x—2)2 +m‘ ¢6 5 diém cuc
tri?
A. 2. B. 3. C. 4. D.5
Loi gidi:
Tap xac dinh: D=R.
Xétham: y = f(x)=(x+1)(x-2)" =x* -3x* +4.

Tacéd: f'(x)=3x"-6x;)' =0& |:x
x

Bang bién thién:

N o
g F

Dua vao db thi ta thiy db thi ham sb y=f(x) cé 2 diém cyc tri.

Dé d6 thi ham s y = |f(x) +m| ¢6 5 diém cuyc tri thi phuong trinh

f(x)+m=0s f(x)=-m (*) c6 3 nghiém duy nhat

(Khéng tinh nghiém cyec tri cia ham y = f(x))

S6 nghiém cuia phuong trinh (*) 1a s6 giao diém cua d6 thi y = f(x) véi dudng thing y=-m
Dya vio bang bién thién dé duong thang y=-m cit dd thi y = f(x) tai mdt diém duy nhat:
0<—-m<d4 -4<m<0.

Vi m nguyén nén céc gid tri cn timcia m la me{ —3; -2; —1}.

Vay cé 3 gia tri m thoa man

= Chon ddp dn B.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

0988323371 | Bién soan va suu tim: T6 Qudc An



2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

Ciau2. C6 bao nhiéu gi tri nguyén cia tham s6 m dé ham so y =|-x’ +3x> —1—m| c6 5 diém cuc

tri?
A. 2. B. 3. C. 4. D.5.
Loi giai:
Tap xac dinh D=R.
Xétham y = f(x)=—x"+3x" -1
) x=
Tacd: y'=-3x" +6x=0 <:::>[
X =
Bang bién thién:
X —o0 0 2 +00
y - 0 + 0 -
+00 3

I P N,

Dua vio do thi ta thiy d6 thi ham s6 y = f(x) ¢6 2 diém cuc tri.

D& dé thi ham s6 y =/ (x)—m| c6 5 diém cyc tri thi phuong trinh

f(x)-m=0< f(x)=m (*) c6 3 nghiém phan biét

(Khong tinh nghiém cuc tri cia ham y = f(x))

S6 nghiém ctia phuong trinh (*) 1a s6 giao diém cua d6 thi y = f(x) véi duong thing y = m
Dua vao bang bién thién dé duong thang cit d6 thi y = f(x) tai 3 diém phan biét:

& -l<m<3

Vi m nguyén nén cac gia tri can tim cua m 1a m e{ 0 1; 2} .

Vay cé 3 gia tri m thoa méan

= Chon ddp dn B.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Cau3. C6bao nhiéu gia tri nguyén cua tham sé m dé ham sé y =|3x* —4x* —12x* +m| c6 7 diém

cuc tri?
A. 3. B. 5. C.6.
Loi giai:
Xéthamsé y = f(x)=3x"—4x’ 1257,
Tap xac dinh: D=R.
x=0
Taco: f'(x)=12x" —12x* -24x, f'(x)=0=|x=-1.
x=2
Bang bién thién:
x e -1 0 2 =
¥ - 0 + 0 - 0
+00
+00
0 /
/ \
y Y y=-m
-5
-32

Dya vao do thi ta thay d6 thi ham s6 y = f(x) ¢6 3 diém cuc tri.
Dé d6 thi ham s y = |f(x)+m| c6 7 diém cuc tri thi phwong trinh
f(x)+m=0< f(x)=-m (*) c6 4 nghiém phén biét

(Khéng tinh nghiém cue tri cia ham y = f(x))

S6 nghiém cua phuong trinh (*)1a s6 giao diém cuia d6 thi y = f(x) véi dudng thing y =-m

Dua vao bang bién thién dé dudng thing y=-m cit do thi y=f(x) tai 4 diém phan biét:

< -5<—-m<0&0<m<5

Vi m nguyén nén céc gia trj can timcia m 1a me {1;2;3; 4}.
Viy c6 4 gia tri nguyén can tim cta m .

= Chon ddp dn D.
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

When the student is ready , the teacher will appear.

Cau 4. Tat ca cac gia tri thuc ciia tham s6 m dé hamso y = ‘xs —5x +5x>+m —1‘ c6 5 diém cuyec tri la

m>1
A, —1<m<27. B. 27<m«<l]1. C{

m<-27
Loi giai:
Xéthamso y = f(x)=x"-5x’+5x* 1. TXD: D=R.

Tacod f'(x)=5x"-15x +10x, f'(x)=0< 5x* -15x* +10x=0

m>27
m<-—1

x=-2
& 5x(x+2)(x-1) =0 | x=0 .
x=1
Bang bién thién:
X | —oo -2 +00
¥ + 0 - +
+00
27 /
y / \
\ y=—-m

—00

Dua vio d6 thi ta thay d6 thi ham sé y = f(x) ¢6 2 diém cyc tri.
Dé d6 thi ham s6 y =|f (x)+m| c6 5 diém cyc tri thi phuong trinh
f(x)+m=0< f(x)=-m (*) c6 3 nghiém phén biét

(Khong tinh nghiém cuc tri cia ham y = f (x))

S6 nghiém cta phuong trinh (*) 1a s6 giao diém cua do thi y = f(x) v6i dudng thang y =-m

Dya vao bang bién thién dé duong thing y=-m cat d6 thi y= f(x) tai 3 diém phan biét:

S-l<-m<2T-27T<m<1
= Chon ddp dn B.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Cau5. C6 bao nhiéu gia tri nguyén duong cta tham sé m dé ham sb
y=3x" —4x’ —6x> +12x +1+2m| c6 3 diém cuec tri?
A5, B. 4. C.6. D. V6 s0.

Lai giai:
Xétham sd y = f(x)=3x"—4x" —6x7 +12x+1
Tap xac dinh: D=R.
. x=-1
Taco: f'(x)=12x" —12x" —12x+12=12(x" —x* —x+1) =12(x +1)(x-1)"; y'=0@[ [
=

Bang bién thién:

-10

Dya vao do thi ta thay do thi ham s6 y = f(x) ¢6 1 diém cuec tri.

PDé 46 thi ham s6 y= |f (x)+ 2m| c6 3 diém cuc tri thi phuong trinh
f(x)+2m=0< f(x)=-2m (*) c6 2 nghiém phan biét

(Khong tinh nghiém cuc tri ciia ham y = f(x))

S6 nghiém cia phuong trinh (*)1a so giao diém ctia do thi y = f(x) véi dudng thing y =-2m
Dya vao bang bién thién dé duong thing y=-2m cit do thi y= f(x) tai 2 diém phén biét:
& 2m>-10&m<S

Vi m nguyén duong nén céc gié tri can tim cia m 1a me{l; 2; 3; 4}.

Vay c6 4 gia tri m thoa man

= Chon ddp dn B.
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

C. BAI TAP TREN LOP

Cau 1.

Cau 2.

Cho hamsé y = |sinx +x+m|. Hoi c6 bao nhi€u gia tri nguyén cia m dé ham so6 da cho c6 dung

mot diém cuc tri?
A. 0. B. 1. C.2. D.v6 s6.

Loi giai

S . — B . — Oy =f(x)
o cuc tri ham y = |f(x)| = |So cuc tri ham y = f(x)|+ So giao diem
Khong tinh tiep xuc Ox: V= 0

S6 diém cuc tri cia ham sd y = | f (x)| tong so diém cuyc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ctia phuong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)

Xét ham s6 f (x
Do d6 hams6 f

) =sinx+x+m, f’(x) =cosx+12>0 (ddu bang xay ra tai cac diém roi rac).

do d6 ham sb f (x) khong c6 cuc tri va phuong trinh f (x) =0 c6 nhiéu nhat mot nghiém.

x) dong bién trén R,

Hon ntra lim f(x) =—o0, lim f(x) =+00 nén phuong trinh f(x) =0 c6 ding mot nghiém.

X—>—00

Tu do hamso y= |sinx+ X+ m| c6 ding mét diém cuc tri véi moi m .

C6 bao nhiéu gié tri nguyén ciia tham so m dé ham s6 y =|x* —8x° +18x” + m| co 3 diém cuc

tri?
A. 1 B. V6 sd. C.2. D. Khéng c6.
Loi giai:
CO):y=f(x
S0 cuc iri ham y =7 (0] =[So cue i ham 3= (9] +|So giao diem | =)
Khong tinh tiep xuc OX:y =0

S6 diém cyc tri cua ham sd y = | f (x)| tong so diém cuc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ciia phuong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

(x4 —8x’ +18%7 +m)(4x3 —24y° +36x)

‘x4 —8x° +18x? +m‘

uu'

lu

= Ap dung cong thic: (|x|)' = ,taco: y' =

x =0 (nghiem don)

’

(x4 —8x° +18x? +m)4x(x—3)2
y =

x—=8x’ +18x> +m ; ¥' =0 x=3 (nghiem kep)

xt —8x’ +18x* =—m (*)
g(x)

= Xétham sb g(x)=x4—8x3+18x2; g'(x)=4x3—24x2+36x=0c> {x:

= Bang bién thién:

X —0 0 3 +00

= Dua vao bang bién thién, ta thdy phuong trinh x* —8x® +18x2 = —m (*) c6 16i da hai nghi¢m.
%{—/
g(x)
Ngoai ra, x=0 13 nghiém don, x =3 1a nghi¢gm kép ciia phuong trinh y' = 0. Vi vay ham s6 da cho c6 ba

cuc tri tuong duong phuong trinh (*) c6 hai nghi€ém phan biét khac 0.

& -m>0< m<0. Khi do co vo sb gi tri nguyén cta m théa min dé bai. —hon

Cau 3. Timtatca cac giatricia m dé hamso y= ‘x2 +2x+m| c6 ding ba diém cuc tri.

A.m>1.B. m<]1. C. m<l1. D. m>0.

Loi gidi
Chon B.

(C):y=r(x)

So cuc tri ham y =|f(x)| = |So cuc tri ham y = f(x)|+ So giao diem {O 0
X:y=

%/—/
Khong tinh tiep xuc

S6 diém cyc tri cia ham sé y = | f (x)| tong s6 diém cyc tri cia ham sb y = f(x) cong véi sd

nghiém boi 1é ciia phuong trinh f(x) =0.(1) .(nghiém bdi chan khong tinh)

Xét ham f(x)=x2+2x+m,
Taco: f'(x)=2x+2=0=x=-1.

Bang bién thién
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2D1-BT33:BL s6 CUC TRI H tri tuyét dbi= PP xét ham. When the student is ready , the teacher will appear.

X | —o0 -1 +00
V' - 0 +
y \

m—1

Duya vao bang bién thién, ta thdy dé ham sé y = | f (x)| c6 diing 3 diém cuc tri < f(x)=0 ¢6 hai
nghiém phan biét m—-1<0<= m<1
Ciu4. Cho ham sé y=|[sin 2x+x+m|. Hoi c6 bao nhiéu gia tri nguyén cua m dé ham s da cho co
dang ba diém cuc tri?
A. 2. B. 1. C.0. D. 3.
Loi giai

So cuc tri ham y = |f(x)| = |So cuc tri ham y = f(x)|+ So giao diem {

%f—/
Khong tinh tiep xuc

©O):y=71)
Ox:y=0

So diém cuc tri cia ham s6 y = | f (x)| tong so diém cuyc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ctia phwong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)

Xét ham s6 f(x)=sin2x+x+m, f'(x)=2cos2x+1
1 2x=2—7r+k27r x=Ztkr
f'(x)=0&=cos2x=——< 3 = 3 (dau bang xay ra tai cac diém
2 2 Vd
2x=—T+k2ﬂ x=—§+k7r

roi rac).
f"(x)=—4sin2x.

f,r(%+ kﬂ) = —24/3 <0 nén ham s dat cuc dai tai cac diém x = %+ k.

V4 N s & o .
fu(_§+ k;z] = 2\/5 > 0 nén ham so dat cuc tiéu tai cac diem x = _§+ k.

Do d6 ham s6 f'(x) c6 v s6 diém cuc tri.
Ma s6 cuc tri ciia ham s6 y = |sin 2x+x+ m| bang tong s6 cuc tri ciia ham s6 f(x) va sb
nghiém don ctia phuong trinh f(x)=0, do d6 ham s6 y =|sin2x+x+m| c6 v6 s6 diém cuc
tri voi moi m .
Suy ra sb gia tri cia m dé ham s6 c6 dung 3 diém cyc trila 0 gia tri.

Cau5. Co tat ca bao nhidu s6 nguyén m thudc doan [-2017;2017] dé ham sé y = ‘x3 -3x*+m| co6 3

diém cuc tri
A. 4032. B.4034 . C. 4030. D. 4028

Huéng din giai
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

So cuc tri ham y —|f(x)| —|So cuc tri ham y —f(x)|+ So giao diem
Yrong iiier e 0%y =0

S6 di€m cyc tri cuia ham sd y = | f (x)| tong so diém cuc tri cua ham s6 y = f(x) cong vdi sO

nghiém bdi 1é ciia phuong trinh f(x) =0.(1) .(nghiém bdi chin khong tinh)
Xét y=x"=3x"+m

Tacd y'=3x>—6x

X =
V=0 < {

X =
BBT

xr o 0 2 +oa

Yy + 0 — 0 +

“+0o0
m
e m-4

, , , m—42> m24
"1 DEham s6 y =[x’ =3x" +m| c6 3 diém cuc tri thi o
m<0 m<0

m e[-2017;0]U[4;2017]

1 YCBT
meZ

1 C6 4032 gi4 tri nguyén m dé thoa man ycbt

Cau 6. Goi S 1a tong céc gia tri nguyén ctia tham s6 m dé ham sd y = co6 5

x3—3x2—9x—5+%

diém cuc tri. Vay S s€ nhan gia tri nao sau day?

A. 2016. B. 1952. C. -2016. D. —496.

w» Nhién xét : Dé giai quyét dang toan nay, cac ban hoc sinh can :

. — B . — Oy =f(x)
So cuc tri ham y —|f(x)| = |S0 cuc tri ham y = f(x)|+ So giao diem
Khong tinh tiep xuc Ox: V= 0

S6 diém cyc tri cia ham so y = |f(x)| tong so diém cuyc tri cuia ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ctia phwong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

Ngoai ra, cac em can phai nam cong thic tim tong cap so cong: Cho cap sO cong voi sO hang

A . . L LA > A A B u +un n L
dau u,, cong sai d, khi d6 tong ciia n so hang diu 1a: |S, = ( +u,)n voi |u, =u +(n—-1)d|.
2

Loi gidi :
© Cach 1: Ty ludn

= Xét: y=‘f(x)+% voi f(x)=x’=3x"-9x—-5, VxeR. Taco: f'(x)=3x"-6x-9.

) , u.ur f(X)'F%
*  Ap dung cong thirc: (|u|) =——. taco: y'=f'(x).——=.
Ju f(x)+"ﬂ
2
= Xét y'=0 < f( ) m ;f’(x)=0 <:>3x2—6x—9=0<:>[ 3 (hai nghiém phan biét).
X)=—— X =
2

= Vay ham s6 y=‘f(x)+%‘=x3—3x2—9x—5+% c6 nam diém cuc tri khi f(x)z—% co ba

nghi¢m phan biét khac —1, 3 (*).
* Ban bién thién ham f(x):

X —o0 -1 3 +o0
0 - 0 +

0 +00
£ () _OO/ \_32/

= Tathiy voi (*) & -32< —%< 0 0<m<64.Vimnguyénnén me{l,2,..63)

= Tong céc gid trj cia m 1a S=%(1+63)=2016. —Chon [ 4]

© Ciach 2: Tric nghiém
= Xétham s f(x)=x3—3x2—9x—5+% 6 f'(x)=3x*-6x-9=0=

» Tabiét:

So cuc tri ham y = |f(x)| = |So cuc tri ham y = f(x)|+ So giao diem

O):y=f(x)
Ox:y=0

Khong tinh tiep xuc

ma: Sé cuc trj cia ham y = f(x) bang 2.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

©):y=1(x)
Ox:y=0

Do d6 yéu cau dé bai tuong duong véi { c6 ba giao diém (khong tinh tiép xuc) <> y = f(x)

¢6 hai cuc tri trai ddu < %.(—32 +%) <0

= m(m—64) <0< 0<m<64. Vimnguyén nén m 6{1,2,...63} :

Cau7. (HSGI12 tinh TINH VINH PHUC 2018-2019) Tim tit ca cac gia tri thuc cta tham sé m dé

hamso y = ‘x3 —3x* +m—2| c6 ding nim diém cyc tri

A. m<2 hodic m=>26. B.m<2hoaicm>6. C.2<m<6. D.2<m<6.

Loi giai
Chen D

S , ~ _ . — o Oy =f(x)
o cuc tri ham y = |f(x)| = |S0 cuc tri ham y = f(x)|+ So giao diem
Khong tinh tiep xuc Ox: V= 0

S6 diém cyc tri cua ham sé y = | f (x)| tong s diém cyc tri cua ham sd y = f(x) cong véi sb
nghiém bdi 1é ciia phuong trinh f(x) =0.(1) .(nghiém bdi chan khong tinh)

Ham s6 y =|x* —3x* +m—2| co diing nam diém cyc trj khi va chi khi ham s6
y=x*=3x+m—2 cit truc hoanh tai 3 diém phén biét khi va chi khi phuong trinh

X =3x"+m-2=0 (1) c6 3 nghiém phan biét.

vh

(8 T

0 T

Ta co: (1)<:>x3 —3x’=2-m.

Xét ham sé: f(x) = x> —3x%, ta co: f'(x)=3x2—6x=0<:>[x
X =
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

X R L'I 2 +oo

¥ + 0 - 0 +
0 oo
— —4

Tir bang bién thién ta co phuong trinh (1) ¢6 3 nghiém phan bi¢t khi va chi khi

4<2-m<0&2<m<6.

Cau 8. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham so y =|x’ —3x* + m‘ c6 5 diém cuc tri.

A. 4<m<0. B. 4<m<0. C.0<m<4. D. m>4 hoac m<0.

Ty Loi giai
C):y=

o cuc iri ham =] 0] =[So cuc ori ham y = (9] +|So giao diem | =)
Khong tinh tiep xuc Ox: y= 0

S6 diém cyc tri cua ham sé y = | f (x)| tong s diém cyc tri cua ham sd y = f(x) cong véi sb

nghiém boi 1é ciia phuong trinh f(x) =0.(1) .(nghiém bdi chan khong tinh)

3 2 2
s g R

{x3 -3x*+m =0(1)

= .
3x2—6x=0 (2)

x=0 . . \
Phuong trinh (2) < { , Suyra dé ham s6 y =|x’ —3x* +m| c6 5 diém cuec tri thi phuong
X =

trinh (l) ¢6 3 nghiém phan bi¢t khac 0 va 2.

Xét ham sb g(x) =—x’+3x* trén D=R.

:g'(x)=3x2—6x=0<:>{x

Ta c6 bang bién thién

8

X | —oo
V' - 0 + 0 —©
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Cau 9.

Cau 10.

Duya vao bang bién thién suy ra 0 <m < 4.

C6 bao nhiéu gia tri nguyén cua tham sé m dé ham sé y = ‘(x+l)(x—2)2 +m‘ ¢6 5 diém cuc

tri?
A. 2. B. 3. C. 4. D. 5

Loi giai

Ta co: f(x)z(x+1)(x—2)2+m:x3—3x2+4+m = f'(x)=3x"—6x
x=0 : 2 .

f'(x)=0<:>[ 5 suy ra ham so f(x) c6 2 diém cuc tri

y=|f(x)| c6 5 diém cyc tri khi va chi khi f(x)=0 c6 3 nghi¢m phan biét.

S x-3x*+4=-m

Do thi ham s y=x-3x"+4

S 0<-m<4< —4<m<0 kéthop véi m nguyén suy ra co 3 gia tri m thoéa man nén chon
B.

[2D1-2.1-3] Cho ham s y =|x* —8x® +m|. Vi nhiing gia tri ndo cua tham sé m ham sé co 5
diém cuc tri.
A.m>0. B. m=>0. C. m=0. D.m<0.

Loi giai

ham y =1/ (]| = am y = (€)= ()
So cuc tri ham y =|f(x)| —|So cuc tri ham y = f(x)|+ So giao diem
Krong i ier e, 0%y =0
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2D1-BT33:BL s6 CUC TRI H tri tuyét dbéi= PP xét ham. When the student is ready , the teacher will appear.

S6 diém cyc tri cia ham sé y = | f (x)| tong s diém cyc tri cia ham sé y = f(x) cong véi sb

nghiém boi 1é ciia phuong trinh f(x) =0.(1) .(nghiém bdi chan khong tinh)

Xét ham sb f(x) =x"-8x" +m

x=0
Tac():f'(x)=4x3—16x. f'(x)zO@ x=2
x=-2

f(x) co 2 diém cuc tiéu x., =+2 va 1 diém cuc daix., =0

Ham s y = ‘x“ —8x” +m|co 5 diém cuc tri khi va chi khi ham s6 f'(x) ¢6 y, <0

< f(0)=m<0

Vay voi m <0 ham s6 co 5 cuc tri.

Cau1l. [THPT PHAN CHU TRINH PAKLAK LAN 2 - 2018] C6 bao nhiéu gié tri nguyén duong

cua tham s6 m dé ham so y = [3x* —4x’ —12x* + m‘ cod 5 diém cuec tri.

A. 44 B. 27 C. 26 D. 16
Loi gidi
Chen B
C):y=
o cuc i hamt y = [ (0] = [So cuc i ham y = (9] +|So giao diem {')*> =/
Khong tinh tiep xuc Ox: y= 0

S6 diém cyc tri cia ham sé y = | f (x)| téng s6 diém cuc tri cia ham s& y = f(x) cong véi sd
nghiém boi 1& ctia phuong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)

Xét ham s6 f(x) =3x" —4x’ —12x" +m.

Taco f'(x)=12x"—12x* —24x.

x=0
f'(x)=0e12x" -12x" —-24x =0 | x=—1.
x=2
Ta c¢6 bang bién thién
x —00 -1 0 2 +00
f'(x) - 0 4+ 0 - 0
+00 m “+00
" \ / \ /
m —5H m — 32
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.
f(x) n€u f(x)=0
—f(x) néu f(x)<0

Nén tir bang bién thién ciia ham s6 y = f(x) suy ra ham s6 y = ‘3x4 —4x’ —12x* + m‘ c6 5

Xét ham s6 y=|f(x)|={

. X . . ., L lm—= 32<0
diém cuec tri khi va chi khi & 5<m<32.
m—52
Do d6 c6 27 gia tri nguyén duong ctia tham sé m dé ham s y = ‘3x4 —4x’ —12x% + m‘ co 5

diém cuec tri.

Cau12. (HSGI2 T4n Yén - Bic Giang Niim 2019) Biét m (a;b)véi a,b e Q thi ham so

y= ‘xs —5x° +5x* +10m —1| ¢ 5 diém cuc tri. Tinh tong a+b?

14 5. 2. e L. b, 13,
5 10 10 5

Loi giai

(C©):y=r(x)

So cuc tri ham y = |f(x)| = |S0 cuc tri ham y = f(x)|+ So giao diem {O 0
X:y=

%,—/
Khong tinh tiep xuc

So diém cuc tri cia ham s6 y = | f (x)| tong so diém cuyc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ctia phwong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)
bat f(x) =X =5x’ +5x" +10m -1, xeR.

Taco: f'(x)=5x" =155 +10x = 5x(x+2)(x—1)", xeR .

x=-2
f'(x)=0c> x=0 .
x=1

Bang bién thién cia ham s6 f (x)

X —o0 -2 0 1 +a0
f'(x) + 0 — 0 + 0 4
10m +27 00

/() / \Om /

Duya vao bang bién thién trén cua ham sé f (x) ta suy ra ham sb y= | f (x)| ¢6 5 diém cuec tri
=27 1 -13

khi va chikhi: 10m-1<0<10m+27 < ﬂ<m<i.8uyra a+b=—+—=
10 10 10 5
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

Cau 13. C6 bao nhiéu s6 nguyén m e (—2019;2019) dé ham s6 y =|x* —5x" —20x+m| ¢6 5 diém cuc
tri?

A. 95. B. 48. C. 47. D. 94.
Loi gidi

(C):y=71()
Ox:y=0

So cuc tri ham y = |f(x)| = |S0 cuc tri ham y = f(x)|+ So giao diem {

%,—/
Khong tinh tiep xuc

So diém cuc tri cia ham s6 y = | f (x)| tong so diém cuyc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ctia phuong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)

Xét ham sd y=f(x)=x5 —5x" =20x+m.

X =-2
Ta co f'(x)=5x4—15x2 -20. chof'(x)=0<:>5x4—15x2 -20=0 = x’ =4<:>{ ! 5
X, =
Béng bién thién
X -0 -2 2 +o0
y'(x) * 0 - 0 *
48+m +oo
y (%)
_w/ \-wm/r

Pé ham s6 y=|f (x)| c6 5 diém cyc tri thi d6 thi ham s§ y = f(x) phai cit truc hoanh tai ba diém phan
biét khi va chi khi y = f(x) 6 hai diém cuc tri x,,x, thoa y(x).»(x,)<0.
Ta co y(xl).y(xz) =(m+48)(m—48) <0 48<m<48.

Vi m la s6 nguyén nén m e {-47;-46;..;— 2;-1,0;1;2;...;46;47} . Vay c6 95 0.

CAu 14. Tat ca cac gia tri thyc cua tham s6 m dé ham sb y= ‘xs —5x>+5x>+m —1‘ cd 5 diém cuc tri 1a

m>1 m>27
A, —1<m<27. B. 27<m«<]1. C. . D. .
m< =27 m<-—1

Loi giai
Chon B

bit f(x)=x"-5x"+5x" = f'(x) =5x" —15x* +10x

x=-2
f’(x)=0:> x=0
x=1
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Cau 15.

Béng bién thién ham s6 f(x)

T —00 ) 0 1 +00
f'(z) + 0 - 0 + 0 +
28 / +00
f(z) \ 1
_OO/ 0 /

Suyra f (x) ¢6 hai diém cuc trj.

Pé hamsd y = ‘xS —5x° +5x* +m —1‘ ¢6 5 diém cuec trj thi phuong trinh f(x)+m—l co3

nghiém phan biét. Dya vao bang bién thién ham s6 f(x) tacod 0<1-m<28<-27<m<1.

(Pé tham khiao BGD nim 2017-2018) C6 bao nhiéu gia trj nguyén cta tham sb m dé ham sb

y=[3x" —4x’ —1257 + m| 6 7 diém cuc tri?

A.3. B. 5. C.6. D. 4.
Léi giai
C):y=
o cuc iri ham = 0] = [So cuc ori ham y = (9] +|So giao diem | =)
Khong tinh tiep xuc Ox: y= 0

So diém cuc tri cia ham s6 y = | f (x)| tong so diém cuyc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ctia phwong trinh f(x) =0 . (1) .(nghiém bdi chin khong tinh)

Xétham s6 y =3x* —4x* —12x* +m

TXb: D=R
0 x=0
X =
¥ =12x" =12x* =24x . Cho y' =0 & , S|lx=-1.
x —x-2=0 o2

Ta c6 bang bién thién
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Céau 16.

X | —= -1 0 2 40
V' — 0 + 0 — 0 +

+an +a0
y
\ / m
m—>5 \
m—32

Tur bang bién thién, suy ra ham s6 y =3x* —4x’ —12x” + m c6 3 diém cuc tri véi moi m. Do d6

dé ham sb y = [3x* —4x* —12x% + m\ c¢6 7 diém cyc tri khi va chi khi d6 thi ham s6
m-5<0

y=3x* —4x* —12x* +m cit truc hoanh tai 7—3 =4 diém phan biét{ S0<m<5.
m >

Vi m nguyén nén cac gia tri can tim1a me {1;2;3;4} .

Vay c6 4 gia tri nguyén can tim cia m .

[2D1-2.5-3] Tong tat ca cac gi tri nguyén cta tham sé m dé ham sd y =[3x* —4x* —12x* + 2m

c6 7 diém cuc tri béng
A. 2. B. 6. C. 4. D. 3.
Loi giai

S . — B : — o (O)y=1(x)
o cuc tri ham y = |f(x)| = |S0 cuc tri ham y = f(x)|+ So giao diem
Khong tinh tiep xuc Ox: V= 0

S6 diém cuyc tri cia ham s0 y = | f (x)| tong so diém cuc tri cua ham s6 y = f(x) cong vdi sO

nghiém boi 1¢ ciia phuwong trinh f(x) =0.(1) .(nghiém bdi chian khong tinh)

Xét ham sé y=3x* —4x* —12x* +2m.

XD D=R.
x=0
Co y' =12x" —-12x* =24x, Y =0 | x=-1
x=2

Ta c6 bang bién thién
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

X | —eo -1 0 2 400
¥ - 0 + 0 - 0 +
a0 +0
vl
_— 2m
2m—5 \
2m—32

1. X A 21 £ 4~ . ... |2m=5<0 5

Tt bang bién thién, d€ ham s6 da cho c6 7 cuc tri khi ) S0<m< 5
m>

Vi m nguyén nén cac gia tri can timctia m la me {1; 2} .

Viy tong cc gia tri nguyén clia m bang 3.

Céau 17. Tap hop céc gia tri cia m dé ham sd y = ‘3x4 —4x’ —12x* +m —1‘ ¢6 7 diém cuec trj 1a
A. (0;6). B. (6;33). C. (1;33). D. (1;6).
Loi gidi

C):y=
So cuc tri ham y =|f(x)| =|S0 cuc tri ham y = f(x)|+ So giao diem ©):y=/(x)
Khong tinh tiep xuc Ox: y= 0

S6 diém cyc tri cia ham sé y = | f (x)| tong s6 diém cuc tri cia ham sb y = f(x) cong véi sd

nghiém boi 1¢ ctia phuong trinh f(x) = 0. (1) .(nghiém bdi chin khong tinh)

Xét ham sb g(x) =3 —4x’ 12X +m-1= g'(x) =12x" —12x% —24x.

x=-1
Cho g'(x)=0<12x"-12x* -24x=0 < | x=0 .
x=2

Béng bién thién ham s6 g(x) =3x"—4x’ —12x* + m—1 c6 dang:

x —0 -1 0 2 +oo

g'( x) - 0 + 0 - 0
) N / " \.
(x)
) g(-1) g(2)

Dé ham s6 y= ‘3x4 —4x’ —12x* +m —1‘ ¢6 7 diém cuec trj thi ham sé y = g(x) phai cét tryc

+
+on

hoanh tai bén diém phén biét (do céch ldy ddi xtmg ciia dd thi y =|g(x)|)
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

g(-1)<0  (m-6<0 ]
Hay 12(0)>0 <im-1>0 @{m<1.
g(2)<0 m—33<0 ">

Vay me(1;6).

Céau 18. Cho ham s6 bac ba y = f(x) ¢6 do thi (C) nhu hinh duéi day. Goi S 1a tap céc gia tri nguyén
ctia tham s6 a trong khoang (~23;23) dé ham sé y = |f(x)+a| ¢6 ding 3 diém cuec tri. Tinh
téng cac phan tir cia S .

J\y

>
L

B. 250. C.0. D. -253.
Loi gidi
Chon A
f(x)+a)f(x)
(f(x)+a) '

Ta co: y=|f(x)+a|: (f(x)+a)2 :>y'=(

Dé tim cuec trj cuia ham sb y = |f(x) + a| ,ta tim x dé thoa man »' =0 hodc y' khong xac dinh
ddng thoi qua nghiém x d6 y’ phai ddi ddu. Khi dé:

U2, f -0 ()
(f(X)+Ll)2 f(x)=-a (2)

!

=0

Duya vao do thi, ham so bac ba c6 hai diém cuc tri trai dau gia sir x,, x, nén phuong trinh (1)

ludn c6 hai nghiém x,, x, trai dau.
Vay dé ham s6 c6 ding ba cuc tri thi phuong trinh (2) co 1 nghiém khac x,x, .

86 nghiém cuia phuong trinh (2) chinh 1a s6 giao diém cua d6 thi (C) véi duong thang y =-a
—-a>1 {a <-1
=

. Dua vao @6 thi thi dé (2) c6 mot nghiém khi va chi khi: :
—a<-3 az3

Theo baira a €(-23;23), a€Z nén § ={-22;-21..;-1;3;4..21,22} .
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Tong céc gid tri cua S la:

22((-22)+(-D) L20(3+22)

(-22)+(21)+..+(-1)+3+4+..+21+22= 5 5

=3,

Céch 2. Dya vao db thi, y= f(x) ¢6 2 cuc tri = y = f(x)+a co hai cuc tri.
Pé y= |f(x)+a| c6 3 cuc tri thi phuong trinh f(x)+a=0 c6 I nghiém don.
S6 nghiém phuong trinh (*) 1a sb giao diém cta y = f(x) v6i duong thang y =—a. Dya vao
L —a>1 a<-1
do thi thi & )
—a<-3 a=3
Theo baira a €(-23;23), a€Z nén § ={-22;-21..;-1;3;4...21,22} .
Téng céac gia tri cua S 1a:

22((-22)+(=1) 20(3+22)
2 T

=3,

(-22)+(21)+..+(-1)+3+4+..+21+22=

Céau 19. Cho d6 thi ham s6 y = f(x) c6 dang hinh v& bén. Tinh tong tit ca gia tri nguyén ciia m dé ham

s y= |f(x)—2m +5| c¢6 7 diém cyc tri.

yA
2
-2 -1 1 2 d
()
-2
A. 6. B. 3. C.5. D.2.

Loi gidi
Chen C

Dé db thi ham s6 y =|f(x)—2m+5|c6 7 diém cyc tri thi d thi ham s6 y = f(x) tinh tién Ién
. 3 7

trén hodc xudng khong qua 2 don vi. Vay —2<5-2m<2 & Py <m< By =>me {2;3}

Vay tong tat ca cac s6 nguyén ciia m1a 5 .

Ciu 20. Cho ham s da thirc bac ba y = f(x) c6 dd thi nhu hinh bén. Tim tit ca cdc gié tri cia tham s6

m déhamsd y = |f(x) + m| ¢6 ba diém cuec tri.
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

Jh}l
Iy /
0 %
_3 —————
A. m<-1 hoac m>3. B. m<-3 hoac m>1.C. m=-1 hoac m=3. D.1<m<3.
Loi giai

Tu luan:
f(x)+m khi f (x)+m>0(L,)

(L)y=|f(x)+m| :{_I:f(x)+m:| khif(x)+m < O(Lz)

(L)gém (L) va (L,),trongdd y= f(x)+m co 2 diém cuec tri

(L) ¢6 3 diém cuc tri < f (x) +m =0c6 1 nghiém don hodc cé 1 nghiém don va 1 nghiém
kép
-m< -3 m=3
= .
-m2>1 m<—1

Trac nghiém: S6 cuyc tri cia ham s6 y = |f(x) + m| bang s6 cuc tri ciia ham s6 y = f(x) cong

s6 giao diém ctia f(x)=—m (khong tinh tiép diém)
Hamsd y = f(x) ¢6 2 cuc tri
Do d6 ham s y=|f(x)+m| co 3 cyc tri

< phuong trinh f (x) =-m c6 1 nghiém don hoac c6 1 nghiém don va cé 1 nghiém kép
-m< -3 m23

= = .
-m=1 m<—1

D. BAI TAP REN LUYEN

Caul. Chohamsé y=f(x) c6 dd thi nhu hinh bén.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Cau 2.

X

Goi S 14 tap hop tat ca cac gia tri nguyén duong ctia tham sb m dé ham sb

y= |f(x -2018)+ m| ¢6 5 diém cuec tri. Tong tat ca cac gid tri cia tip S bang
A9, B.7. C.18. D. 12.
Loi gidi

yn

\
2y

—6

86 diém cyc tri cia ham s6 y = f(x—2018)+m 1a 3.
D thi ham s6 y = f (x—2018)+m| c6 5 diém cyc tri

& duong thang y =0 cit d6 thi ham s6 y = f(x—2018)+m tai 2 diém ( khong tinh giao

diém la diém cuc tri ctia o thi ham so).

—-6<-m<-3 3<m<6
= .
-m=>2 m<-=2

Do m nguyén duong nén m € {3;4;5} = S ={3;4;5} .
Viy tong tat ca cac gia tri ciia tip S bang: 3+4+5=12.

Hinh v& dudi day 12 d thi cia ham s6 y = f(x).
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2D1-BT33:BL s6 CUC TRI H tri tuyét dbi= PP xét ham. When the student is ready , the teacher will appear.

y 8
- 2
I
1
1
\:/ oN
1 1
1 1
1
- 1
1
1
1
1
—6 b

C6 bao nhiéu gia tri nguyén duong ctia tham s6 7 dé ham s y = | f(x+1)+ m| ¢6 5 diém cuyc tri?
A. 0. B. 3. C. 2 D. 1.
Loi giai
Chon B
D6 thi cia ham s6 y = |f(x +1)+ m| dugc suy ra tir d thi (C) ban dau nhu sau:
+ Tinh tién (C ) sang trai mot don vi, sau do tinh tién 1én trén (hay xudng dudi) 7 don vi. Ta dugc dd
thi (C'):y=f(x+1)+m.
+ Phan db thi (C ) nam dudi truc hoanh, léy ddi xtng qua truc Ox ta dugc dd thi ctia ham sb
y= |f(x+1)+m|.

Ta dugc bang bién thién cua ciia ham s6 y = |f (x+1)+ m| nhu sau.

T |—oo —d —2 1 +o00

g'(x) -~ 0 + 0 — 0 +

+00 24+m +o00
g(@) \ / \ /
—5 1 —6+m

Péhamsé y = |f(x+1)+ m| ¢6 5 diém cuec tri thi d6 thi cia ham sé (C’) :y:f(x—l—l)—i—m phai cat

truc Ox tai 2 hodc 3 giao diém.

m>0
+ TH1: Tinh tién dd thi (C'):y = f(x+1)+m lén tén. Khi d6 {-3+m >0 <3< m <6.
—6+m<0
. . & X 1. / £ ;- © 3 m<0
+ TH2: Tinh tién d6 thi (C):yzf(x-l—l)-l—m xuong dudi. Khi do 2yt m<0 Em< -2,
m=

Vay c6 ba gia tri nguyén duong cua m 1a 3;4;5.

Cau3. Choham s bic ba y=f(x) c6 dd thi nhu hinh bén.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

Cau 4.

—3F--=-

S6 gié tri nguyén ctia tham s6 m €[-2019;2019] dé ham s6 y = | f(x+2019)+ m| ¢6 ba diém
cuc tri la
A. 4036. B. 4037. C. 4039. D. 4038.
Loi gidi
Chon A

Taco: ' = f'(x+2019), L FF2019)xm

| (x+2019)+m|

f(x+2019)=0

Xét y'=0 & .
i f(x+2019)=—m

Xét f'(x+2019)=0 co 2 nghiém phan biét.

Vay ham s y=|f (x+2019)+m| c6 ba diém cyc tri khi f(x+2019)=—m c6 ding mot
nghiém don. Tir d6 thi ham sé y = f(x) ta c6 m>3 hodc m<—1 la gia tri can tim.

Viy c6 4036 s6 nguyén thao man.

- D& ham s y =|f (x+2019)+m| c6 ba diém cuc tri thi tir db thi va phép bién déi dd

thi (1dy ddi xing qua truc Ox ) ta c6 phuong trinh f (x+ 2019) =—m c6 ding 1 nghiém

Cho ham s6 f(x) = (m —l)x3 —5x" + (m +3)x+ 3 . Co tat ca bao nhiéu gia tri nguyén cta tham
s6 m déhamsd y= f(|x|) c6 ding 3 diém cuc tri?
A. 3. B. 1. C.2. D. 4.
Loi gidi
Chon D
Taco: y=f(x) c6do thi (C).
yv=f (|x|) 1a ham chin => d6 thi ham s6 y= f (|x|) giit nguyén do thi (C) nam bén phai truc
tung, sau do lay doi xtimg qua truc tung.

+THL: a=0m=1= y=-5x"+4x+3.
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2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham. When the student is ready , the teacher will appear.

DO thi ham s6 y =—5x" +4x+3 . P thi ham s6 y =—5[x" +4[x|+3 c6 3 cuc tri.
Vay m =1 thoa yéu cau.

+ TH2: a¢0<:>m¢1:>f(x)=(m—1)x3—5x2+(m+3)x+3 1a ham s6 bac 3.

Ham s y=f(|x|) c¢6 dung 3 diém cuyc tri.

< hamsé y = f(x) c6 2 diém cuc tri x;,x, thoa x, <O<x,.

< 3(m-1)x> =10x+m+3=0(*) c6 2 nghiém x,,x, thoa x, <O<x,.

+tr <0<, @3(m—1)(m+3)<0©—3<m<1m—ez>m€{—2;—1;0}
+ Néu (*)cémétnghiém x=0=>m+3=0m=-3.
x=0

© o3 (% , \ . 2 _
Khi @6 ( ) tro thanh: —12x" -10x=0< el 2 ( Khong thoa min).
6

Vay co 4 giatri m.

Ciau 5. Co bao nhiéu gia tri nguyén ctia m (|m| < 5) déhamsd y = ‘x3 —(m=2)x* —mx—m?| c6 ba diém
cuc tiéu?
A5, B. 4. C.6. D. 3.

Loi gidi
Chen D

Xét ham: y=x’ —(m—2)x2 —mx—m’.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT33:BL s6 CUC TRI H tri tuyét ddi= PP xét ham.

TXD: D=R.Suyra y'=3x"=2(m-2)x-m.

Nhén xét :

- Mbi giao diém ciia do thi ham s6 y = f(x) véi truc Ox s& c6 mot diém cuc tiéu cua do thi
ham s6 y = f(x)].

-Néuham sé y = f(x) c¢6 y,,.y, =0 thi ham s6 y =| f(x)| chi c6 hai cuc tiéu.
-Néu ham sé y = f(x) khong c6 cuc tri thi ham sé y =| f(x)| chi c6 mot cuc tiéu .
Yéu cau bai toan <> y' =0 c6 hai nghiém phan biét va y,,.y, <0.
o x —(m —2)x2 —mx—m’ =0 c6 banghiém phan biét.

xX=m
<::>(x-m)(x2 +2x+m):0© {l—m >0 @{m <

m#{0;-3}
m*+3m=0 { ;

Theo dérataco: meZ, |m|<5<-5<m<5

Két hop didu kién trén ta duoc m € {—4;— 9. 1} .
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT twong giao = PP xét ham.
BAI 34. BAI TOAN TUONG GIAO SU DUNG PHUONG PHAP XET
HAM SO.

A.LY THUYET:
Bai toan :
Bién ludn s6 nghiém ciia phwong trinh f(x) = f(m) (*)

Phuong phap:

Chu y:
» Néuhamsb y= f (x) c6 gié tri 16n nhat va gia tri nho nht trén D thi phuong trinh
= i < <
f(x)=4(m)<= mDmf(x) < f(m)< mgxf(x)
» Néu bai toan yéu cau tim tham s6 dé phuong trinh c6 & nghiém phéan biét, ta chi can dya vao bang

bién thién dé xac dinh sao cho dudng thang y = f (m) nam ngang cat do thi ham s6 y = f (x) tai k

diém phén biét.
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

B. Vi DU MINH HQA

Caul.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

C6 bao nhiéu gia tri nguyén am a dé dd thi hamsé y =x" + (a + lO)x2 —x+1 cit tryc hoanh tai
ding 1 diém?

A.9. B. 10.

C.11. D. 8.

Biét rang phuong trinh V2—x+2+x —m =m co nghiém khi m e [a;b] voia, b eR.
Khi d6 gid tri T=(a+2)¥2+b 1a

A T=32+2. B.T=6.
C.T=3. D.T=0.

Tap hop tat ca cac gia tri cua tham s6 m dé do thi ham sd y=x"+mV4—x"+m-7 co diém

chung vdi truc hoanh la [a;b] .Tinh giatri S=a+5b.

A s=1 B.S=5.
3
C.5=3. D.S:%'

Tim tat ca cac gia tri cia m dé phuong trinh ¥x* +1 —Jx=m ¢t nghi¢m.
A. (0:1). B. (-;0].
C. (L;+00). D. (0;1].

, , A A - \ A 2 2
Tim tét ca cac gia tri thuc cua tham s6 7 m d¢ do thi hamso y =x +m(v4—x +1)_7 co

diém chung vdi tryc hoanh.
7
A.0<m<3. B.—ISmsg.
7
C.2Sm£§. D.2<m<3

Dé dd thi ham sb (Cm) (y=Xx +mx+2 cit truc hoanh tai mot diém duy nhét thi gid tri cua m

la
A.m>-3. B. m<-3.
C.m>-3. D. m<-3

Dé 6 thi ham sb (Cm) cy=x" +mx’—4 cit truc hoanh tai mot diém duy nhét thi gia tri cua m

la
A.m>3. B. m<3.
C.m=3. D. m<3
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT twong giao = PP xét ham.

Cau 8.

Cau 9.

Cau 10.

C6 bao nhiéu gia tri nguyén cua tham s6 m dé phuong trinh |sinx—cosx|+4sin2x=m co

nghiém thuc?

A.5. B.6.
C.7 D.§

C6 bao nhiéu gia tri nguyén ciia tham s m dé phuong trinh

4 (sin4 x+cos* x) - 4(sin6 x+cos’ x) =sin’4x+m c6 nghiém thuc?

A. 1. B. 2.

C.3 D. 4

Cho phuong trinh 3v/tanx +1(sinx +2cosx)=m(sinx+3cosx). C6 tat ca bao nhiéu gi tri

nguyén tham sb m thudc doan [—100; 100] dé phuong trinh trén c6 nghiém duy nhét

xe (O;EJ ?
2

A. 100. B. 99.
C. 201 D. 98
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

C. BAI TAP TREN LOP

Caul. Tim tit ca cac gia tri cia m dé phuong trinh x* +¥—4(x2 +izj—12[x—gj =m c6 nghiém
x x x
xe[l; 2].
A. -13<m<I11. B. -15<m<9. C.-15<m<09. D. -16<m<09.

Cau2. (SO GD-DT GIA LAI -2018) Tim tat ca cac gia tri thuc cta tham sé m dé dd thi ham sé
y=x +mx+2 cit truc hoanh tai mot diém duy nhat.

A. -3<m<0. B. m>-3. C. m<-3. D.m=>0.
Cau3. Chohamsé y=x"+mx—-2.Tim tat ca cac diéu kién ciia m dé dd thi ham sd cat truc hoanh
tai mot diém duy nhét.

A.m<-3. B. m<3. C.m>-3. D. m>3.

Cau4. Phuong trinh x> —3mx+2=0 c6 mot nghiém duy nhat khi diéu kién cia m 1a
A.m>1. B. m>-1. C.m<-2. D. m<1.

Cau 5. Tim tit ca s thuc cua tham s6 m dé phuong trinh 2x—1= m(x—l) c6 nghiém thudc doan
[—1;0] .

A.mS%. B.m>1. C.1<m<

D.1<m<2.

N | W

Cau 6. Tim tit ca cac gia tri cua tham sd m dé phuong trinh |x|3 -3 |x| =2m c6 4 nghi¢m phan biét.
A. -2<m<0. B. 2<m. C.-1<m<0. D. -1<m.
Céu 7. Phuong trinh |x* —3x+1|=m; (m I tham s6) c6 6 nghi¢m phan bit khi

m<1
A.l<m<?2. B.m>2. C. . D.0O<m<l1.
m>?2

Cau8. [HKII THPT CHUYEN THAI NGUYEN 19 20] Goi T la tap hop tat ca cac gia tri nguyén
ctia tham s& m dé phuong trinh x* —3x> —m® +3m? = 0 c6 ba nghiém phan biét. Tong tat ca cac
phan tir ciia T bang

A. 1. B.5.

C.0. D. 3.

Cau 9. Vi gia tri nao cua tham sd m thi phuong trinh x++/4—x? = mc6 nghiém?
A.-2<m<2. B. 2<m<22.

C. 2<m<22. D. 2<m<2.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT tuwong giao = PP xét ham.

Cau 10. Tim m dé phuong trinh sau c6 nghiém: V3 +x +/6—x —4/(3+x)(6—x) =m.

A 0<m<6. B.3<m<3V2.

C. —%Smﬁﬁ. D. 3«/5—%3ms3.

Cau 11. Tim m dé phuong trinh x+3 =m~x* +1 c6 nghiém.

A. 1<m < 10. B. -1<m<10.
C. 1<m < 0. D. —1<m </10.

Cau 12. C6 bao nhiéu gia tri nguyén cua tham sé m thudc [—10;10] dé phuong trinh
m =x—2 c6 nghiém.
A.21. B. 10.
C.0. D. 8.

Céu 13. [2D1-5.4-3] (THPT Yén Lac-Vinh Phiic-lan 1-d& 2-nim 2017-2018) Tim m dé phuong trinh

sau c6 nghiém (\/4—x +\/4+x)3 —6\16—x> +2m+1=0.

—1-162
>—

A. meR. B. m >
C. —ﬂs;nsﬂ. D.m<—ﬂ.
2 2 2

Cau 14. Phuong trinh 3vx—1+m+x+1=23/x* —1 c6 nghiém x khi:

A.OSmSl. B. —l<m£l.
3 3

C.mSl. D. —ISmSl.
3 3

Cau 15. (SGD Ba Ria Viing Tau-dé 2 nim 2017-2018) Tap hop tat ca cac gi tri ciia tham s6 m dé dd
thi ham s6 y=x"+mNd—-x"+m-T7 cb diém chung véi tryuc hoanh la [a;b] (voi a;beR).
Tinh gid trictia S =2a+b.

1

A S . B.§=7.
3

C.S=5. D.Sz?.

Cau 16. Cho phuong trinh (J} +\/x—1)[m X+ +164/x —xj =1, véi m la tham sé thyC. Tim

1
Vvx—1
s6 cac gia tri nguyén ctia tham s m dé phuong trinh da cho c¢6 hai nghiém thyc phén biét.

A. 11. B. 9.
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.
C. 20. D. 4.

Cau 17. Tim m dé phuong trinh cos2x+2sinx+m =0 c6 ding bon nghiém x € [0;7].

A. —

N | W

<m<-1 B. —%<m<—1.

C. > <m<-1. D. Khong ton tai m théa man bai toan.

Ciu 18. (THPT Chuyén Tién Giang-lan 1 nim 2017-2018) Tim tat ca cac gia tri cia m dé phuong

\ . ;1A A ~ A ~ VA
trinh sin® x +cos* x +cos”* 4x =m c6 bén nghiém phan biét thuoc doan [——;—} .

4 4
A.msﬂhoac mzé. B.ﬂ<m<§.
64 2 64 2
C.ﬂ<mﬁg. D.ﬂﬁmsg.
64 2 64 2

Céau 19. C6 bao nhiéu gia tri nguyén ctia tham s m dé phuong trinh cos3x—cos2x+mcosx=1 co

bay nghiém khac nhau thudc khoang (—%; 27[) ?

A. 3 B. 5
C.7 D. 1

Céau 20. C6 bao nhiéu gia tri nguyén cia tham sé m dé phuong trinh f (2|sin x|) =f (%) co6 dung 12
nghiém phan biét thudc doan [-7;27]?

A. 3. B. 4.
C. 2. D. s.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT twong giao = PP xét ham.

D. BAI TAP REN LUYEN

Cau l.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Tim tat ca cac gia tri ciia tham s6 m dé phuong trinh (m - l)x3 +2mx” —x+3m = 0c6 nghiém

thudc khoang (0;1).

1 |
A. m<0. B.0<m<§. C.m>0. D.OSmSE
Phuong trinh x* +x(x+1) = m(x* +1)’ ¢6 nghiém thyc khi v chi khi
A. —6Sm£§. B. —ISmSE. C.msi. D.—lSmSE.

4 25 3 4 4

Tim tat ca cac gi tri cta tham s6 m dé do thi ham s y =(m+1)x* =2(2m—=3)x" + 6m+5

cat truc hoanh tai 4 diém phan biét c6 cac hoanh do x,,x,,x,,x, théa man x, <x, <x, <l<x,.
A. me[—l;%s]. B. me(-3;-1). C. me(-31). D. me(—4;-1).

(Chuyén Hung Vwong - Phii Tho - Lan 1) C6 bao nhiéu gi4 tri nguyén cta tham sé m dé
duong thing y =m(x—4) citdo thi ciaham sd y = (x2 - 1)(x2 —9) tai bon diém phan biét?

Al B. 5. C. 3. D. 7.
(THPT CHUYEN VINH PHUC -LAN 1-903-2018) Phuong trinh x* +x(x+1)=m(x* + 1)2
c6 nghiém thuc khi va chi khi

A. —6Sm£§. B. —ISmSE. C.mSi. D.—-
4 25 3

<m<

N
nlw

Phuong trinh |x* —2x|(jx| ~1) = m (v6i m la tham s6 thuc) c6 10i da bao nhiéu nghi¢m thuc?
A.3. B. 4. C.5. D. 6.

Tim tht ca cdc gid trj cia m dé phuong trinh [2]x]| - 6| = m||x|~1| c6 4 nghiém phan biét.
A. me(0;1)U(4;+x). B. me(0;1)U(6;+).

C. me(0;2)U(6;+). D. m e (0;3)U(5;+0).

Cho ham s6 y = x* —3x c6 d thi nhu hinh vé& bén. Phuong trinh ‘x3 —3x‘ =m’+mcod 6nghiém

phan bi¢t khi va chi khi:

0988323371 | Bién soan va suu tim: T6 Qubc An



2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

.
1

T T O T T lIg lx"—|
i
A.-1<m<0. B.m>0.
C. m<—-2hoac m>1. D. 2<m<-1hoac 0<m<1.

Tim tat ca cac gia tri thyc ctia tham sé m dé phuwong trinh x* —3x* —m® +3m® = 0 ¢ ba nghiém
phan biét?

A m=2. B. me(-1;3). C. me(—L+wx). D. me(-1;3)\{0;2}.

. S in pAr on o aeg A A , £ 2 \ m
Goi S 1a tap tat ca cac gia tri nguyén am ctia tham s6 m dé phuong trinh x++/4—x" = E) co
nghiém. Tap S c6 bao nhiéu phan tir?

A. 10. B. 6. C. 4. D. 2.

Tim tit ca cac gia trj thuc ctia tham s& m sao cho phuong trinh 2+/x +1 = x +m c6 nghiém thuc
?

A. m<3. B.m<2. C.m=>3. D.m=>2.

Biét rang phuong trinh v/2 —x ++/2+x —v/4—x* = m c6 nghiém khi m thudc [a;b]vé’i a,b
eR. Khi d6 gia tri cua T =(a+2)v2 +b1a

A T=3J2+2. B.T=6. C.T=8. D.T=0.

C6 bao nhiéu gia tri nguyén ciia tham sé m dé phuong trinh v1+x ++/8—x +v8+7x—x* =m
c6 nghiém thuc?

A. 13. B. 12. C.6. D. 7.
5 3
Tim m dé phuong trinh sau c6 nghiém (\/4—x +\/4+x) —6\16—x" +2m+1=0.

—1-1642
>

A. meR. B. m
2
C. —ﬂsmsﬂ. D.m<—ﬂ.
2 2 2
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Céau 20.

Cau 21.

(TH TUOI TRE SO 6-2018) Tim tit ca cac gia tri cia m dé phuong trinh x+1=m+/2x* +1
¢6 hai nghiém phan biét.

G B NG NN

A —<m<—. B. m<—. C. m>—. D.—<m<—.
2 6 2 6 2 2

(THPT Chuyén Nguyén Quang Di¢u — Pong Thap — Lan 5 niim 2017 — 2018) Tim tat ca
céc gid tri thyc ciia m dé phuong trinh x+1=3m~/2x* +1 c6 hai nghiém thuc phan biét.

s Z .\ %

A, —<m<—. B.——<m<—.C. m<—. D.m>—.
6 6 6 6 2 2

Tt ca gia tri cia m dé phuong trinh mx —/x —3 = m +1 c¢6 hai nghiém thuc phan biét.

1+‘/§. B.m>0. C.lSmsﬁ. D.lSm<1+\/§.
4 2 2 2 4

A.O0<m<

Cho phuong trinh x> +7+m\/x2 +x+1= \/x4 +x°+1 +m(\/x2 -x+1 —2) . Biét tap hop tit ca
céc gid tri cia m dé phuong trinh da cho c6 nghiém 1a (—a;b). Tinh P=b+a.

= B2 c.. p. 2
3 6 3 2

Cho phuong trinh (m - Z)Jm + (2m — l)m +m =1. Biét rang tap hop tit ca cac gia tri
cia tham sé thuc m dé phuong trinh c6 nghiém 1a doan [a;5]. Gid tri ciia biéu thic Sa +3b
bang

A. 13. B. 7. C. 19. D. 8.

(SGD Ba Ria Viing Tau-dé 1 niim 2017-2018) T4p hop tat ca cac gia tri cua tham s6 m dé d6
thi ham s6 y = x> + my/4—x* + m—7 ¢ diém chung véi truc hoanh 1a [a;b] (voi a;beR).

Tinh giatricia S=a+b.

=£ B. §=5. C.S5=3. D.SZE.

A. S .
3 3

Tim céc gia tri thyc ctia tham s6 m dé phuong trinh (sin xX— 1) (cos2 X—cosx+ m) =0 co ding

5 nghiém thudc doan [0;27].

A.OSm<l. B. —l<m£0. C.O<m<l. D. —l<m<0
4 4 4 4
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Cau 22. Goi K 1a tap hop tit ca cac gia tri cta tham sé m dé phuong trinh
sin2x + \/Esin(x +%) —2 =mco6 dung hai nghiém thudc khoang (0;37”] . Hoi K'la tap con

cua tép hop nao dudi day?

A. (—ﬁﬁ} B. (1—J§;J§). C. [—\E;g} D. (—ﬁ;ﬁ]

2 2

RIS \ \ . X ., ‘a
Cau 23. Vi gia tri nao ciia m thi phuong trinh 5—4sin® x —8cos” ) =3m c6 nghiém.

. B. —%Smﬁl. C.0<m<

D. —££m<§.
3 3

A. -

4
—<m<
3

W |
w | W

Cau 24. Cho phuong trinh 3~/tan x+1 (sin x+2cos x) =m (sin x+3cos x) . C6 bao nhiéu gia tri nguyén

ctia tham s6 m € [O; 2019] dé phuong trinh c6 ding mot nghiém thudc khoang (0;%) .

A. 2017. B. 2018. C. 2019. D. 2020.
Céu 25. Tim tat ca cc gia tri cua m dé phuong trinh sin 4x = m.tan x c6 nghiém x # k7 .

A.—%Sm£4. B. -1<m<4. C.—%<m<4. D. —%Sm<4.
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BAI 34. BAI TOAN TUONG GIAO SU DUNG PHUONG PHAP XET
HAM SO.

A.LY THUYET:
Bai toan :
Bién ludn s6 nghiém ciia phwong trinh f(x) = f(m) (*)
Phuong phap:
Buée 1: Co 1ap tham sb m va dua vé dang f(x)=f(m).
Buéc 2: Khao st sy bién thién ciia ham s6 f(x) trén D.

Buwéc 3: Dya vao bang bién thién dé sac dinh gia tri tham s6 f (m) sao cho dudng thang y = f (m)
nam ngang vat d6 thi ham sé y = f (x) .
Buéc 4: Két luan gia tri cua f (m) dé phuong trinh 1 (x) =f (m) c6 nghiém trén D .
Chu y:
» Néu ham s6 y = f(x) 6 gié tri 16n nhét va gia trj nho nht trén D thi phuong trinh

f(x)=A(m)@n”gnf(x)sf(m)gmgxf(x)

» Néu bai toan yéu cau tim tham s6 dé phuong trinh ¢6 & nghiém phan biét, ta chi can dwa vao bang
bién thién dé x4c dinh sao cho dudng thang y = f(m) ndm ngang cat do thi ham sé y = f(x) tai &

diém phan biét.
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B. Vi DU MINH HQA

Caul. C6bao nhiéu gid tri nguyén am a dé do thi hams6 y =x’+(a+10)x” —x+1 cat truc hoanh
tai dung 1 diém?

A. 9. B. 10.
C.11. D. 8.

Cau2. Biétrang phuong trinh v2—x +4/2+x —v4-x> =m co nghiém khi me[a;b] v6i a, b eR.
Khi d6 gid tri T=(a+2)v2+b 1a
A.T=3/2+2. B.T=6.
C.T=8. D.T=0.

Cau3. Tap hop tat ca cic gid tri ciia tham s6 m dé d6 thi ham s6 y = x> +my4—x" +m—7 c6 diém
chung véi truc hoanh la [a;b]. Tinh giatri S=a+b.
A S=—. B. §=5.

C.S=3. D.Sz%.

Cau4. Tim tit ca cac gia tri cia m dé phuong trinh {x* +1 —Jx=m co nghi¢m.
A. (0;1). B. (—;0].
C. (1;+). D. (0;1]

, , A A - \ A 2 2
Cau 5. Tim tat ca cac gia tri thuc cua tham so 7 M dé do thi hams6 y=x +m(\/4—x +1)_7 co

diém chung vdi tryc hoanh.
7
A.0<m<3. B.—lSmSE.
7
C.2Sm£§. D.2<m<3

Cau 6. DE dd thi ham sb (Cm ) [y =x +mx+2 cit truc hoanh tai mot diém duy nhét thi gia tri cua m

la
A.m>-3. B. m<-3.
C.m=>-3. D. m<-3

Cau7. DEédo thi ham sd (Cm ) :y=x>+mx> —4 cit truc hoanh tai mot diém duy nhat thi gia tri caa m

la
A.m>3. B. m<3.
C.m=3. D. m<3
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Cau 8.

Cau 9.

Cau 10.

C6 bao nhiéu gia tri nguyén cta tham s m dé phuong trinh | sin x —cos x| +4sin2x =m c6
nghi¢m thyuc?

A. 5. B. 6.

C.7. D. 8

C6 bao nhiéu gia tri nguyén cta tham s m dé phuong trinh

4(sin4 x+cos’ x) - 4(sin6 x+cos’ x) =sin’ 4x+m c6 nghiém thyc?

A. 1. B. 2.

C.3 D. 4

Cho phuong trinh 3v/tanx+1(sinx+2cosx)=m(sinx+3cosx). Co tit ca bao nhiéu gia tri
nguyén tham sb m thudc doan [—100; 100] dé phuong trinh trén c6 nghiém duy nhét

xXe (O;EJ ?
2

A. 100,
B. 9.
C. 201

D. 98
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C. BAI TAP TREN LOP
A Y ST 2 o4, 16 ,, 4 2 o a
Caul. Tim tatca cac gia tri cua m dé phuong trinh x* +——-4| x" +— |-12| x—— |=m c6 nghiém
X X X
xe[l; 2].
A. -13<m<I11. B. -15<m <9. C. -15<m<09. D. -16<m<9.
Loi giai
< 2 o 2
batt=x——, xe[l; 2] Dao ham ¢'=1+—>0, ‘v’xe[l; 2]
X X
Do dé 1(1)<r<t(2), Vxe[l;2] suyra -1<r<1.
4 2
Taco x* +— =t +4, x4+g=(x2+izj -8=(r +4)2—8=t4 +81° +38.
X X X
Phuong trinh da cho tré thanh ¢*+8¢* +8—4(¢* +4) =12t =m < ' +4* =12t =m+8 (*).
Phuong trinh da cho cé nghi¢m trong doan [1; 2] khi va chi khi phuong trinh (*) c6 nghiém
trong [-1;1]. Xétham s y = f(t)=¢*+4¢ —12¢ trén [-1; 1].
Pao ham y' =4 +8:-12, te(-1;1), y'=4(t-1)(£ +1+3)<0, Vi e(-1; 1)
Bang bién thién
x | -1 1
¥ -
¥y |7
\ 17
Do d6 dé phuong trinh da cho c6 nghiém trén [1; 2] thi =7<m+8<17< -15<m<09.
Cau2. (SO GD-PT GIA LAI -2018) Tim tat ca cac gia tri thuc ctia tham sd m dé d6 thi ham s
y=x +mx+2 cit truc hoanh tai mot diém duy nhét.
A. 3<m<0. B. m>-3. C.m<-3. D.m=>0.

Loi gidi

, \ 2
Phuong trinh hoanh d¢ giao diém cua do thi (C) va truc hoanh 1a x* +mx+2=0 & m=-=—x" (do

X
x =0 khong la nghi¢ém cua phuong trinh).

Xét ham sb g(x) = —g—x2
X

D=R\{0}.
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, 2
g (x):?—Zx.

g'(x)=0e=x=1.

Béng bién thién

X | —oo 0 1 +00
V' + + 0 -

Pk 4
Yy

Duya vao db thi ta co, dé do thi ham s6 y = x* + mx +2 cit tryc hoanh tai mot diém duy nhét thi m > -3 .

Cau 3.

Cho ham so y = x> +mx—2 . Tim tat ca cac diéu kién cua m dé do thi ham sé cat truc hoanh tai
mot diém duy nhat.

A. m<-3. B. m<3. C. m>-3. D.m>3.
Loi giai

Phuong trinh hoanh d¢ giao diém ciia y = x* +mx—2 va truc hoanh (y =0) la:

2—x°

X

X+mx-2=0m=

*)

2—x°

Xétham sé y =
X

Tap xac dinh: D =R\ {0}

’ (2—x3)’.x—x'.(2—x3) B —3x3—(2—x3) 2% -2

Yy = xz - x2 - xz
-2x =2
V=0T L0 28 -2=0cx=-1I.
X
BBT
|
X — -1 0 +C
‘}r + O _ —
-3 20
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Cau 4.

Cau 5.

Vi xe[—l;O], ta co 2x—l=m(x—l)<:>

DPé dd thi y =x*+mx—2 cit tryc hoanh tai 1 diém duy nhat khi va chi khi phuong trinh (¥) co

2—-x°

mot nghiém duy nhit hay d6 thi ham s y =m cit d6 thi y = tai 1 diém duy nhat

X

Theo bang bién thién ta c6 m > —3 thoa yéu cau dé bai.

Phuong trinh x* —3mx+2 =0 c6 mot nghiém duy nhat khi diéu kién cta m 1a
A.m>1. B. m>-1. C.m<-2. D. m<1.
Loi giai

Tacod x> =3mx+2=0=3mx=x"+2 (*)

Ta thdy x =0 khong la nghiém cua phuong trinh.

Lic nay (*)<m= x;-;2‘
Xét ham sb f(x)=x3+2 co f'(x)=(lx2 i]l=§_i=z (x3—1)
3x 37 03x) 3 3 3 X
f'(x)=0e=x=1.
Ta c6 bang bién thién.
x —x 0 1 +a
V' - 3 0 =

o

N e

Dé phuong trinh di cho c6 nghiém duy nhét thi m <1.

Tim tat ca s6 thyc clia tham so m dé phuong trinh 2x—1=m(x—1) c6 nghiém thudc doan

[—1;0].

A.mS%. B. m>1. C.lSmS% D.1<m<2
Loi giai

2x—1
x—1

=m.
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Xét ham  sd f(x)= 2x—11 trén [-1;0], ta c¢6 ham sb f(x) lién tuc trén [-1;0] va
Y
f’(x)=ﬁ<0,‘v’xe[—l;0]: Ham s6 nghich bién trén [-1;0]. Suy ra phuong trinh
x—
f(x)=m c6nghiém trén [—1;0]<:>f(O)Sme(—l)@lSmS%.

Cau 6. Tim tit ca cac gia tri cia tham sd m dé phuong trinh |x|3 -3 |x| =2m c6 4 nghiém phan biét.
A. 2<m<0. B. 2<m. C.-1<m<0. D. -1<m.
Loi giai

Xéthamsd y=x* —3x

TXD: D=R
4 ' 2 ’ 2 le
Taco: »'=3x"-3.Cho y'=0=3x"-3=0< {
X=-
Bang bién thién:
x |—oo -1 +x
v + 0 - 0 +
2 +a
v
. / ~ . /
Do thi
J\y v
,,,,, ,
2 o 2 o 2 -1 o 1 2 N
1 x i x
a1 !
2t ! ___75 ______

Viét phuong trinh dudi dang |x|3 - 3|x| =2m (1)
Goi (C")1a d6 thi cia ham s6 y = |x|3 - 3|x| g6m 2 phan
* Phan phia bén phai Oy cta (C)

* Phan dbi xtg phan d6 thi trén qua Oy
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Do (d):y=2m la dudng thang cing phuong véi Ox khi d6 s6 nghiém cua phuong trinh (1)
bang s6 giao diém cuia (C") va duong thang (d): y=2m.
Diéu kién dé phuong trinh (1) c6 4 nghiém khi va chi khi: -2<2m <0< -1<m<0.

Céu 7. Phuong trinh |’ =3x+1|=m; (m 14 tham s6) c6 6 nghi¢m phan biét khi

m<1
A l<m<2. B.m>2. C.[ . D. 0<m<1.
m>?2

Loi giai
* S6 nghiém phuong trinh ‘x3 —3x+ 1‘ = m bang s6 diém chung cta d6 thi ham sé y = ‘x3 —3x+ 1‘
va duong thang y=m.
* P06 thi ham s6 y = ‘x3 —3x+1‘ dugc suy ra tir d0 thi ham y = x* —3x +1bang cach giit nguyén

phan d6 thi phan ham s6 y = x*> —3x+1nam phia trén truc Ox va lay d6i ximg phan do thi ham

s6 y =x* =3x+1nam phia dudi truc Ox qua truc Ox .

* Dya vao d6 thi ham s y = f(x) = ‘x3 —3x+ 1‘ ta suy ra dé phuong trinh ‘x3 —3x+ 1‘ =mco 6
nghiém phan biét diéu kién la: 0<m< (1)< 0<m<1.
Cau8. [HKII THPT CHUYEN THAI NGUYEN 19 20] Goi T la tap hop tit ca céc gia tri nguyén

ctia tham s6 m dé phuong trinh x* —3x* —m® +3m” = 0 c6 ba nghiém phén biét. Tong tat ca cac
phén tir cua T bang

A. 1. B. 5. C.0. D. 3.
Loi giai
Cach 1:

Taco x* =3x> —m’ +3m* =0 x* =3x> =m’ =3m*> & f(x)= f(m) (1)
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2D1-BT34:BT tuwong giao = PP xét ham.

Xéthamsé f(x)=x" —3x7.

f'(X)=3x2—6x,f'(x)=0<:{

f(x)=0<:>[

x=2

f(x)=—4<:>[ .
x=-1

+o0

J'(@)

=
\

=)

+

f(@)

+
8

Bl Lkl [

/
\

—-1<m<3

Dua vao bang bién thién, suy ra (1) c6 ba nghiém phéan biét < —4< f(m)<0{m=0

m#2

Suy ra T ={1}. Vay tong tit ca cac phan tir ciia T bang 1.

Cach 2:

Taco x> =3x> —m’ +3m* =O<:>(x3—m3)—3(x2—m2)=0

x m [x + m 3)x+m —3m} 0

=

L + m 3 x+m -3m=0 (*)

Phuong trinh da cho ¢6 3 nghiém phéan bi¢t < (*) ¢06 hai nghi¢m phan bi¢t, khac m

m’ + m 3 m+m -3m=0

o

—1<m<3

<Ssm#0 >m=1(VimeZ).

m#2

(m—3)(—3m—3) >0

3m* —6m =0

Suyra T = Vay tong tat ca cac phan tir ciia T bang 1.

Cau9. Vi gia tri ndo cuia tham sb m thi phuwong trinh x ++/4 —x* = m c6 nghiém?

A. 2<m<?2. B.—2<m<2\/§.

C.2<m<2J2. D.-2<m<2.

Loi gidi
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Xét ham sb f(x) =x++4—x" trén [—2;2]

X

4-x

Taco: y'=1-

x>0
=0 4—x2=x<:>{4 , L, e x=v2.
-Xx =X

Cho y'=0<1-
4-x°

Ham s6 lién tyc trén doan [-2;2]c6 f(-2)=-2, f(\/E) =22, f(2)=2.

Vay fgiﬁf(x)z—& maxf(x)=2\/§.

[22]

Do d6, phwong trinh x ++/4 — x> = m c6 nghiém khi —2 < m < 242

Cau 10. Tim m dé phuong trinh sau c6 nghiém: V3+x+/6—x —\/(3+x)(6—x) =m.

A 0<m<6. B.3<m<32. C—%Sms%ﬁ. 1&}ﬁé%Smsa
Loi giai

Xét ham sb f(x)=\/3+x+\/6—x—\/(3+x)(6—x) trén [—3;6].

o 2x-3
23+x 2V6-x 2,/(3+x)(6-x)

/(x)
3

X =

2
Vo—x+\B3+x=1(¥)

S

3 A
Vay x = 3 Ta c6 bang bién thién:

p
|
w
o | MW
=}

v'(x) -

3
e \ /‘
94642
2

V@JﬁmmmgHthn@@mﬂﬁ%5—%Sm£&

+

3

Cau 11. Tim m dé phuong trinh x+3 =m+/x* +1 c6 nghiém.

A.1<m<A10. B.-1<m<10. C.1<m<A/10. D.—1<m<+/10.
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Cau 12.

Loi giai
. x+3
Taco:x+3=mVx’+1 © x+3=mix*+1 < =m.

Vxt+1
< 3
o f(x) ) );j+1

y = f(x) c6 diém chung.

Phuong trinh c6 nghiém khi dudng thiang y = m vado thi cua ham sd

Xéthamsé f(x)=—22_ xeR

- Vx?+1

lim f(x)z—l, lim f(x)zl

f'(x)= 1-3x . Tacod f’(x)=0<:>x=%

e

Bang bién thién

Lt
+
[=1 SR ]

. ; / \1

Dé phuong trinh f(x)=m c6 nghiém < -1<m< J10.
Chon dap an D.

C6 bao nhiéu gia tri nguyén ctia tham sé m thudc [—10;10] dé phuong trinh

N2x* =3x+m =x—2 c6 nghiém.

A.21. B. 10. C.9. D. 8.
Loi giai

Xét phuong trinh v2x> —3x+m =x-2 (*)

{x—ZZO {x—220
M =

2362—3x+m=(x—2)2 m=—x"—x+4(**)

Phuong trinh (*) c6 nghiém < phuong trinh (¥*) ¢6 it nhat mot nghiém thudc [2;+oo)
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< Parabol (P) (y= —x* —x+4cit duong théng (d) ty=m taiit nhéat mot diém c6 hoanh do
thudc [2;+00).

Ta c6 bang bién thién

f(x)

Tir bang bién thién, ta co m< 2.
Theo gia thiét m e [-10;10]. Do d6 m e {~10;-9;-8;,~7;—6;—5;—4;-3; -2} .

Cau 13. [2D1-5.4-3] (THPT Yén Lac-Vinh Phiic-1in 1-dé 2-niim 2017-2018) Tim m dé phuong trinh

sau c6 nghi¢m (\/4—x +\/4+)c)3 —6V16—x" +2m+1=0.

A. meR. B.m>#.
c M_ _-1-16V2 Y
2 2 2
Loi giai

DK xe[~4;4]. Dt 1 =4-x +/4+x , taco 1€[22:4].

Taco 2 =2J16—x" +8 < 2J16—x* =1> 8.

Phuong trinh da cho tré thanh £ =3(£ —8)+2m +1=0 <> 2m =~ +31* - 25.
Xéthamsd f(t)=—1+37=25= f'(t)=-3¢" +6t.

Taco f'(t)=-3t+6t<0,Vte [2\/5;4} nén phuong trinh c6 nghiém khi va chi khi

f#@)<ms f(202) e -41<2m<-1- 16\/_<:>—421 e T171682

2
Cau 14. Phuong trinh 3vx—1+m+/x+1=23x" -1 c6 nghiém x khi:
1 1 1 1
A.0<m<—. B. -l<m<—. C.m<—. D. -1<m<—.
3 3 3 3
Loi giai
DKXD: x>1.

Chia cé hai vé cho vx+1 ta co

o LT T
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT twong giao = PP xét ham.

Dit z:i/x_l =d1— 2 L o0<i<l
x+1 x+1

Phuong trinh try thanh —3¢% +2¢ =m (*)

Xét ham s6 y = -3¢ +2¢ trén [0;1) co y' =—6¢+2; y'=0<:>x=%.

Bang bién thién

W = L] =

0/ \—1

Phuong trinh da cho c6 nghiém x < phuong trinh (*) c6 nghiém t €[0;1)

N . , g 1
& d6 thi ham s6 y =-3¢ +2¢ trén [0;1) cat duong thang y=m < —1<m < 3

Vay phuong trinh da cho c6 nghiém khi va chi khi -1<m < % .

Céau 15. (SGD Ba Ria Viing Tau-dé 2 niim 2017-2018) Tap hop tat ca cac gia tri ciia tham s6 m dé dd
thi ham s6 y=x"+m4—-x>+m—-7 co diém chung véi tryc hoanh la [a;b] (voi a;beR).
Tinh gid tricia S =2a+b.
19 23

A S=—. B. S5=7. C. §=5. D. S=—.
3 3

Loi giai
Tap xac dinh cta ham s6: D= [—2;2] .

Phuong trinh hoanh d¢ giao diém ctia d6 thi ham s6 y = x* + mv'4—x*> + m—7 va truc hoanh la

42
X’ +m 4—x2+m—7=0©m(\/4—x2+1)=7—x2©m=7—x (1).
Vé—x* +1
£’ +3

(2).

bat t=+4-x*, t€[0;2], phuong trinh (1) tr6 thanh m = ol
+

Do thi ham s6 da cho c6 diém chung véi truc hoanh khi va chi khi phuong trinh (2) c6 nghiém
te [0; 2] .

2 +3

Xét ham sd f(t)z 1
+

trén [0;2] .

Ham s6 f(¢) lién tuc trén [0;2].
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Cau 16.

t=1€(0;2)

:t2+2t—3
t=—3§£(0;2)'

(¢+1)" f()=0e

Taco f'(t)

7
F(0)=3. F()=2. f(2)=5.
Do d6 r[no;izlllf(t)=2 va Iféjaz?f(t)=3‘
Boi véy, phuong trinh (2) c6 nghiém ¢ €[0;2] khi va chi khi

Igg;izr]lf(t)ﬁmﬁ%%(f(t%:ZSmS&

Todosuyraa=2,b=3,nén S=2a+b=22+3=7.

1
Cho phuong trinh (\/; + \/x—l)(m X+
Vx—1

s6 cac gia tri nguyén ciia tham sd m dé phuong trinh di cho c6 hai nghiém thuc phan biét.

+163x7 —xj =1, v6i m 1a tham s thuc. Tim

A. 11. B. 9. C. 20. D. 4.
Loi giai

Didu kién x>1.

Tt (V5 i+

+163/x? —szl

1
Vx—1

1
S mx+ +16\4/x2—x=f—\/x—1
Vx—1

PO SO P £, S 2ol VNP b \/;+1(1)
Vxfx—1 Jx Jx x x—1 '

IR
Dit 1= 47— khi x>1 taco 0<r<1.
X
2

Xét ham s6 f(t):—16t—ti2+l trén khoang (0;1) ta co f’(t)=—16+t—3; '(t)zO <:>t=%.

Bang bién thién

N | =

7'(?) + 0 -
f(t) -11 \

Tur d6 ta thay, phuong trinh (1) c6 hai nghiém thuc phan biét khi —16 <m <—11.

17
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Cau 17.

Cau 18.

Do d6 co6 4 gia tri nguyén cia m thoa yéu cau bai toan.

Tim m dé phuong trinh cos2x+2sinx+m =0 co ding bon nghiém x e [0;77,'] .

A —2<ms-l B.—2<m<-1.

2 2

3 A AL o at s
C. —ESm<—1. D. Khong ton tai m thoa man bai toan.
Loi giai

Phuong trinh da cho twong duong: 1—2sin” x +2sin x+m=0.

batt =sinx, véi x e [0;7[] thi te [0;1]. Phuong trinh tré thanh:  m =2¢> -2t —1 (1).

Xét f(t)=2¢*—2¢-1 trén doan [0;1]

1

¢t |0 2 1

fam = 0 T :

f \ B /
2

Phuong trinh da cho c6 diung bon nghiém x e [0;71'] khi va chi khi (1) c6 hai nghiém phan biét

thudc [0;1). Dya vao bang bién thién ta c6 —% <m<-1.

(THPT Chuyén Tién Giang-lan 1 nim 2017-2018) Tim tat ca cac gia tri ciia m dé phuong

trinh sin* x +cos* x +cos®* 4x =m c6 bon nghiém phan bi¢t thudc doan {—%,%} .
A.méﬂhoéc ng. B.£<m<§.
64 2 64 2
C.£<mﬁi. D.ﬂSmSE.
64 2 64 2
Loi giai

. . 2 .
sin* x+cos* x+cos’dx=m < (sm2 X +cos’ x) —2sin’® x.cos’ x+cos’ 4x=m .

sin’ 2x 3 cosdx

=1- +cos24x=m<:>z+ +cos’dx=m.

Dat t =cos4x, te[—l;l].
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Phuong trinh tré thanh %+§+ '=m.

Xét ham s f(t) =%+£+t2,t e[—l;l].

1 1
"(t)=2t+-0t=—=
f( ) 4 8
1) 47 3
—— ===, f(-1)==, F(1)=2.
f( 8) 64 f( ) 2 f()
Phuong trinh sin® x+cos* x +cos® 4x =m c6 bdn nghiém phan biét thuoc doan {—%,%J

Khi va chi khi phuong trinh f(t) =m ¢0 hai nghi¢m phan biét thudc doan [—1;1] .

47 3
S—<m<—.
64 2

Cau 19. (o bao nhiéu gia tri nguyén ctia tham s m dé phuong trinh cos3x —cos 2x+mcosx =1 ¢
bay nghiém khac nhau thudc khoang (—%;27[) ?
A.3 B.5 Cc.7 D. 1
Loi giai

cos3x—cos2x+mcosx =1 (l)c>cosx(4coszx—2cosx—3+m)=0

[cosx =0

4cos’ x—2cosx—3+m=0

0 cosx=0<:>x=%+k7r.

3
Do xe —£;27Z' nén x=£;x=—ﬁ.
2 2 2

| 4cos’x—2cosx—-3+m=0 (2)
Phuong trinh (1) ¢6 c6 bay nghiém khac nhau thudc khoang (—%;27[) khi phuong trinh (2) c6

c6 nam nghiém khéac nhau thudc khoang (—%;Zﬁj .
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Khi d6 phuong trinh (2) ¢6 hai nghiém —1<# <0<%, <1 trong d6 t =cosx .
Taco: (2) < 4t =2t-3=-m
Xét f(1)=4r -2t-3,te[-1]]

1

t \ 1 0 1/4
3
f{t)\ /1
3

-13/4

Khido 3<-m<-1<1<m<3
Do meZ nén m=2 .
Céu 20. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh f(2|sin x|) = f(%j c6 dung 12
nghiém phén biét thudc doan [-7;27]?
A. 3. B. 4. C. 2. D. 5.
Loi giai
Chon dép 4n C.

Ta c6 bang bién thién ciia ham s6 y = g(x) =2[sinx| trén doan [-r;27]

N

Lad

T
B3 2n
2

x |—&

RN

b | a5
b | k| iy
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Phuong trinh f(2|sin x|) = f(%} c6 dang 12 nghiém phan biét thudc doan [—7[;27[] khi va

chi khi phuong trinh £ (1) = f(%) ¢6 2 nghiém phan biét 7 € (0;2).
Dua vao d6 thi ham sé y = f (x) suy ra phuong trinh f(¢)= f (%) ¢6 2 nghiém phén biét

0<Z<2
C s 2T m <5 O<m<4
t €(0;2) khiva chi khi —==< f| — |<0 < :
16 2 m#3
272

Do m nguyén nén m e {1;2} . Vay c6 2 gia tri cua m thoa man bai toan.
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D. BAI TAP REN LUYEN

Cau 1.

Cau 2.

Tim tat cd cac gié tri cta tham s6 m dé phuong trinh (m—1)x* +2mx” —x+3m = 0 c6 nghiém

thudc khoang (0;1).

IA

3

IA
W | —

A. m<0. §.0<m<%. C. m>0. D. 0

Loi giai

3
X +x
X +2x°+3

X +x o 2xt =2x" + x> +3
6 f'(x)=

3 22 30 3 P 2
X +ix + (x+2x+3)

Xeét f(x) =

>0, Vx e (0;1)

2 . 1
nén dé pt da cho co nghiém thi f(0)<m< f(1)hay 0<m <§.
Phuong trinh x* +x(x+1) = m(x2 + 1)2 c6 nghiém thuc khi va chi khi

A. -6<m<

I
|

B. —lﬁmsﬂ. C. m<
25

IN

3

IA
AW

AW
=

Chon D
X +x(x+1)

Phuong trinh da cho twong duong >
()c2 + 1)

x3+x(x+1)

Xéthamsd f(x)= E 1)2
X"+

TXD: D=R.

Taco f'(x)- ‘(x(;?ff)?” RO

Lap bbt khao sat ham s6 trén R

Tir bang bién thién, suy ra dé phuong trinh dé phuong trinh da cho ¢6 nghiém thuc thi
—lﬁmﬁg.
4 4
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

Cau3. Tim tit ca cac gia tri ciia tham s6 m dé dd thi hamsb y = (m + l)x4 —2(2m - 3)x2 +6m+5

cat tryc hoanh tai 4 di€ém phan biét c6 cac hoanh d6 x,,x,,x;,x, théaman x, <x, <x, <l1<x,.

A. me(—l;%sj. B. me(-3;-1). C. me(-31). D. me(-4;-1).
Loi gidi
Chon D

Cach 1:

Phuong trinh hoanh d¢ giao diém ctia dd thi ham s6 va truc hoanh la
(m+1)x4 —2(2m—3)x2 +6m+5 =0(1)

Dt t=x" 20 pt tro thanh (m+1)7* —=2(2m—3)t+6m+5=0(2)
g(t :(m+1)t2 —2(2m—3)t+6m+5

Dé pt (1) c6 4 nghiém phan biét thi pt (2) phai c6 2 nghi€ém duong phan biét

m#—1

m#—1
m1#0 o 3F —(ma1)(6m+5)>0 | 23-V6L_ Z23+4561
A">0 4 4

Hay < 6m+5>0 = 5 (*)

4t >0 m+1 m<—1vm>—g
L+1,>0 2m-3 0 3

m+1 > m<—1vm>5

Dé pt (1) c6 4 nghi¢m thoa man x, <x, <x, <1<x,.

thi pt (2) phai c6 2 nghiém théa 0 <¢, <1<¢,.

-1<0
N 1 <0 (1 )1 <o

t,—-1>0
2(2m -3
<:>6m+5— (m )+1<0<:>3m+12<0<:>—4<m<—1
m+1 m+1 m+1

Két hop voi (*) ta c6 m € (—4;—1) thoa yéu ciu bai toan.

Cach 2: ,

Phuong trinh hoanh dg giao diém cua d6 thi ham s va truc hoanh la
(m+1)x4 —2(2m—3)x2 +6m+5= 0(1)

Pit t =x* >0 pttro thanh (m+1)1* =2(2m=3)t+6m+5=0(2) .
Dé pt (1) c6 4 nghiém théa min x, <x, <x, <1<x,.

thi pt (2) phai c6 2 nghiém thoa 0 <, <1<¢,.

~t* —6t-5

. (biéu thire £# —4t+6#0,V¢ ).
1 —at+

Phuong trinh (2) < m =
—* —6t-5
1’ —4t+6

Ta co f(t) lién tuc trén (O; +00) va cd

Xéthamsé f(t) = ,v6i 1€ (0;400).
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, 10£* — 2t - 56
f (t): 5 2
(£ —4t+6)
1-+/561
t=—7""-<0
1(1)=0e 10 Bing bién thién
1++/561
t=———>1
10
t 0 1 1+4/561 b
10
f(t) - 0 +
5
_= -1
r(t) 6 \
—4\
\ 5 < A ‘A A \ N M A . \ A _t2 _6t_5 .
Dua vao bang bién thién ta thay duong thang y =m cat d6 thi ham s6 f(t)zm tai
— 4t +

hai giao diém c6 hoang d9 théa 0 <¢ <1<t¢, khi -4 <m<—1.

Ciau4. (Chuyén Hung Vwong - Phii Tho - Lan 1) C6 bao nhiéu gia tri nguyén ctia tham s6 m dé
dudng thing y =m(x—4) cét do thi cia ham s6 y = (x2 —1)(x2 —9) tai bon diém phan biét?

A. 1. B. 5. C. 3. D. 7.

Loi giai
Chon B.

Ta c6 phuong trinh hoanh d6 giao diém
2 _ 2 _
(x2 —1)(x2 —9)=m(x—4) = %zm (1), (x¢4).
(x2 —1)()62 —9)

86 nghiém cua (1) béng s6 giao diém cta 2 d6 thi ham sé y = f(x) = W va
Y

y=m.

Ta co:

(%)= 2x(x* =9)(x—4)+2x(x" =1)(x=4) = (" =9)(¥* ~1) 3x* —162" —10x? +80x—9
- (x—4) - (x-4)

f'(x)=0 = 3x* —16x° —10x* +80x—-9 =0

x, ==2,169
s | %,=0114 O
Giai phuong trinh bang MTBT ta dugc 4 nghiém 45 Céc nghiém nay da dugc luu
X, ~2,
x, 4,94
chinh xac ¢ trong bd nhé cia MTBT.
Béng bién thién:
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X |0 x, X, x; 4 X +o
/(%) + 0 - + 0 - ” - 0 4+
2,58 9,67 o oo
PR NN f\ -
—o0 -2,28 —o 383,5

Tu BBT va meZ:me{—2;—l; 0;1;2}.

Cau5. (THPT CHUYEN VINH PHUC -LAN 1-903-2018) Phuong trinh x* +x(x+1) = m(x* +1)’
c6 nghiém thuc khi va chi khi

IA

3

IA
AW

A. —6Sm£§. B. —lﬁmsﬂ. C.msi.
4 25 3

N

Loi giai

. N x +x(x+1)
Phuong trinh da cho twong duong ——————== m(*) .
(x2 +1)
3
Xét ham sb f(x) = L(xtl)
(x2 +1)

TXD: D=R.

e g ro-oe];

Ta c6 bang bién thién

X |—o0 -1 1 +00
V' - 0 4+ 0 -
e
0o > 1 3 >

Y 7 - n
Tir bang bién thién, suy ra dé phuong trinh dé phuong trinh da cho c6 nghiém thuc thi
—lSmSE.

4 4

Cau 6. Phuong trinh ‘xz - 2x‘ (|x| - 1) =m (voi m la tham s0 thyc) ¢ t6i da bao nhiéu nghiém thyc?
A. 3. B. 4. C.5. D.6.
Loi giai

Ta co:
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(x2—2x)(x—1),x22 x*=3x% +2x, x>2
f(x)=‘x2—2x‘(|x|—1)= —(x2—2x)(x—1), 0<x<2=9—x"4+3x"-2x, 0<x<2.

(x2—2x)(—x—l), x<0 —x’ +x% +2x, x<0

X
3x7—6x+2, x>2 3
' 2 ' 3_\/§
f(x)= “3x"+6x-2, 0<x<2; f(x)=0<:> xX=
3x*+2x+2, x<0

Bang bién thién:

X —0 ﬂ 0 & 3+\/§ 2 +0
3 3 3
f'(x) - 0 - - 0 - 0 — +
4o 23 -

20-1447
27

Duya vao bang bién thién ta c6 phwong trinh f (x) = m c6 t6i da 4 nghiém.

Cau7. Tim tat c céc gid tri cia m dé phuong trinh [2|x| -6 = m x| ~1|c6 4 nghi¢m phan biét.
A. me(0;1)U(4;+w). B. m e (0;1)U(6;+x).
C. me(0;2)U(6;+0). D. me(0;3)U(5;+0).
Loi giai
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_ [2le| - 6]
lla] — 1]

4 -3 -2 -1 0

Cach 1:

2|x|-6

| | " = m . Pé phuong trinh c6 4 nghiém phan biét thi duong
x —

Ta co |2|x|—6|=m||x|—1|:>

2|x|—6

tai 4 diém phan biét.
-1

thang y = mcit 6 thi ham s6 y =

2x—6
x—1

V& d6 thi ham sb ta dwa vao dd thi ham sb y=
2x—6 2x—6

" b6 phéan phia dudi truc
x —

+ Trudc hét v& d6 thi ham sb y =

‘ bang cach tir @b thi y =

hoanh, iy déi ximg phan bi bo qua tryc hoanh.
2|x|-6

[x-1

2|x|-6
-1

tai 4 diém phan biét thi m > 6hodc 0<m < 2.

2x—6

+ V& d6 thi ham s6 y = bang cach tir do thi y = ta lay d6i xting qua truc tung.

x—1

Duya vao dd thi ham s6 y = trong hinh v& ta thdy dé duong thang y = mcat d6 thi ham

2|x|—6

[x|-1

7
A

sO y=

Vay me(0;2)U(6;+0).
Cach 2:

2t—6

Dt 1 =|x|>0ta c6 pt:[2— 6| =m|t—1| < m = 420vat#].

Nhan xét:

Ung v6i mbi ¢ =0 —c6 Inghiém x
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT34:BT twong giao = PP xét ham.

Cau 8.

Ung véi mdi ¢ >0 —>co 2nghiém x
Do d6 dé pt ban dau c6 4 nghiém ta can tim m dé pt(*) c6 2nghiém phan biét > 0va ¢=1.

V& do thi ham s6 y = vGi 2 0va ¢ # 1sau d6 bién d6i dé duoc d6 thi ham sé y =

2t-6
t—1

(V€& cho em nhé dai ca)

\ . m>6
Nhin vao do6 thi ta thay cac gia tri m thoa man ycbt la: .
O<m<?2
Cho ham s6 y = x* —3x c6 do thi nhu hinh v& bén. Phuong trinh ‘x3 - 3x‘ =m’ +mc6d 6nghiém

phan biét khi va chi khi:

=, .

A. -1<m<0. B. m>0.

C. m<—-2hoac m>1. D. 2<m<-1hodac O<m<]1.

Loi gidi
Chon D

Phuong trinh ‘x3 - 3x‘ = m* +m chinh 1a phuong trinh hoanh d6 giao diém cua dd thi ham s

y= ‘x3 —3x‘(C’) v6i duong thang y=m’+m(d).
Do thi ham sé y = ‘x3 —3x‘(C')duqc suy ra tir d0 thi y =x" —3x(C) bang cach:
[ Gitr lai phan (C)nam trén tryc Ox .

[1LAy d6i xtmg phan (C)ndm dudi Ox qua truc Ox .

f(x) = |x¢ - 3:x]
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

Cau 9.

Dya vao hinh v& ta suy ra phuong trinh |x’ —3x|=m’ +m c6 6 nghiém phan biét khi va chi khi

O0<m*+m<2 < -2<m<—1hoic 0<m<1.

Tim tit ca cac gia trj thuc cta tham sé m dé phuong trinh x* —3x* —m’® +3m* =0 c6 ba nghiém
phan bigt?

A.m=2. B. me(-1;3). C. me(-1+). D. me(-1;3)\{0;2}.

Loi giai

Cach 1:

Phuong trinh tvong duong x* —3x* = m’ —3m* . Phuong trinh c6 ba nghiém phan biét khi va chi

khi dudng thing d: y =m® —3m? c6 ba diém chung véi do thi ham sé f(x) =x* —3x”.

Taco f'(x)=3x—6x, f’(x)=0<:{x
X

Bang bién thién:
X —a 2 +0
V' + - 0 +

\
/
\

Ta co f(—l) =4va f(3) =0. Phuong trinh c6 ba nghiém phan biét < —4<m’ —3m’ <0 <
—4< f(m) < 0. Dua vao bang bién thién ta dugc: m e (—1;3) \ {0;2} .
Cach 2:
Phuong trinh hoanh d6 giao diém cua hai d6 thi ham s6
¥ =3x>=m’-3m> & (x—m)[x2 +(m=3)x+m’ —3m} =0
x—-m=0
g .2 2 _ *
g(x)—x +(m—3)x+m -3m=0 ( )
D¢ hai d6 thi ham s6 cat nhau tai ba diém phéan biét thi can tim m dé pt(*) c6 hai nghiém phan
biét khac m

{A:—3m2+6m+9>0 {—1<m<3
PK:

=
g(m)=3m2—6m¢0 m¢0,m¢2
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Cau 10.

Cau 11.

Goi S la tap tat ca cac gia tri nguyén am cia tham sd m dé phuong trinh x + \/m = %cé
nghiém. Tap S c6 bao nhiéu phan tir?
A. 10. B.6. C 4. D. 2.

Loi giai

Taco: x+V4—x° :% (*)diéu kién xac dinh: -2<x<?2.
Xéthamsod f(x)=x+v4-x", xe[-2;2].

Co f'(x)=1-

4-x
x>0

al 2=0<:> 4-x'=x o x:\/E <:>x=\/§e[—2;2]

4 —
X xz_\/E

F(x)=0e1-

Ham sb f(x) =x++4—x? lién tuc trén [—2;2] ; ¢0 dao ham trén (—2;2) .

f(=2)=-21(2)= 2;f(\/§) =22 Suyra fgl%f(x) =—2;r[{12q2)]cf(x) =2\2.

Vay phuong trinh (*)c6 nghiém < -2 < % <22 e —-4<m<4a2.
Mit khac m nguyén &m nén § = {—4;-3;-2;-1}.

Tim tit ca cac gia tri thuc ctia tham s6 m sao cho phwong trinh 2+/x +1 = x + m ¢6 nghiém thuc
?

A. m<3. B. m<2. C. m>3. D m=>2.
Loi giai

Diéu kién: x> -1.

Taco 2Nx+1l=x+m < 2Vx+l—x=m (*)

86 nghiém ctia phuong trinh (*) bang s6 giao diém ctia hai do thi y =2vx+1-x (C) va

y=m.

Xétham sé y=+/x+1-xvdi x>-1tacd y' =

1
Vx+1

Giai phuong trinh y'=0 & Jx+1=1 < x=-1.
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

Lap bang bién thién

X -1 0 40

+ 0 -
2
J-"' / \
—0
1

Tir bang bién thién ta c6 phuong trinh 2/x +1 = x + m c6 nghiém khi m <2.

Cau 12. Biét rang phuong trinh 2 —x +v/2+x —v4—x” =mco nghiém khi m thudc [a;b]véi a, b
eR . Khi d6 gid trj cia T =(a+2)2+b1a

A T=3J2+2. B. T=6. C.T=8. D.T=0.

Diéu kién: -2<x<2.
2_
Dit 1=v2—x4+\V2 42202 =44 24— x> =4 =L . t

2 —
Phuong trinh da cho thanh ¢ — ! 5 4 =m

Xét ham sd F(x)=~N2-x+~2+x,voi xe[-2;2]ta co
~2:2 9.
. .{xe( )@{xe( 2;2)

T 22-x 22+x | f(x)=0 T |2-x=2+x
Ham s f (x)lién tuc trén [-2;2]va f(-2)=2; f(2)=2; f(0)=22
:fgi%f(x)=2 va r[{lfﬁf(x):%/z :>2£f(x)£2\/§:>te[2;2\/5]

<= x=0.

/(%)

Xéthamsd f(t)=t———voi te| 2242 |tacs f'(t)=1-1<0, Vie(2242).

Béng bién thién:

YCBT < trén [-2;2]d6 thi ham s6 y = f(¢) cit duong thang y=m < 2W2-2<m<2.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT twong giao = PP xét ham.

a=2J2-2
=

T=(a+2)N2+b=6.
b=2

Khi do {
Cau 13. C6 bao nhiéu gia tri nguyén cua tham sé m dé phuong trinh v1+x +vV8—x +vV8+7x—x* =m
c6 nghiém thyuc?
A. 13. B. 12. C. 6. D. 7.
Loi giai

Diéu kién: x e[-1;8].

bat t=v1+x+8-x(1)=1'= ! ! =0<:>x:%.

2Wlex 28-x
Ma t(—l)zt(8)=3;t(%j=3\/5 = 1e[33V2].

2
Taco (1) 8+ 7x—x* =2

2 —_—
Khi d6 phuong trinh da cho tré thanh: ¢+ ! 5 o = m(2); te [3;3\/5] .

*-9

Phuong trinh (2) c6 nghiém < m e Lgl}br_;]f(t),[g%%]f(t)} voi f(t)=t+

2
Xét ham sb f(t):t+t 2_9trén [3;3\/5]Tacé: f’(t)=1+t>0;‘v’te[3;3\/5].

min f(1)=1(3)=3

max f(t)=f(3x/§)=3ﬁ+%

(35:2]

Do d6 ham so f () dong bién trén [3;3\/5] =

Suy ra me[3;3\/§+%}mé meZ.

Vay me {3;4;5;6; 7;8} hay c6 6 gia tri m thoa man yéu cau bai toan.

N 3
Ciu 14. Tim m dé phuong trinh sau ¢6 nghiém (\/4 x4+ x) —6\16—x% +2m+1=0.

A. meR. B.m>#.
g—ﬂsmsﬂ. D. m<-2,
2 2 2
Loi giai
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

DK x [~4;4]. Dit 1 =VA—x +V/4+x, ta co 1€ 242;4].

Taco 12 =216-x" +8 < 2416 —x> => - 8.

Phuong trinh d cho tro thanh £ =3(¢* =8)+2m+1=0 < 2m =~ +3¢* =25,
Xéthamso f(t)=—1+37=25= f'(t)=-3¢ +6t.

Taco f'(t)==3>+6t<0,Vie [2&;4} nén phuong trinh c6 nghiém khi va chi khi

4 _-l- 16\f

f(#)<am< f(202) & 41<m<-1-16\2 & —SEms——

Cau 15. (TH TUOI TRE SO 6-2018) Tim tAt c4 c4c gié tri cia m dé phuong trinh x+1=m2x> +1
¢6 hai nghiém phan biét.

NG Y5 NG L%

A —<m<—. B. m<—. C.m>—. D.—<m<—.
2 6 2 6 2 2

Loi giai

x+1=my2x* +1 <:>m=x—+1.
V2x?+1

x+1 1-2x 1 1\ V6

pit f(x)=——. f'(x)= S (x =0@x=—:fH:_'
() V2x* +1 () (207 +1)V2x* +1 ) 2 2) 2
1 x+1 1
Gidi han lim ——— Al Iim —
o Jox? 41 \/— oo J2x? +1
Tac6é BBT
NG J6

Phuong trinh c6 2 nghi¢m phan biét khi > <m< -

Céu 16. (THPT Chuyén Nguyén Quang Diéu — Pong Thap — Lan 5 nam 2017 — 2018) Tim t4t ca
cac gia tri thuc ciia m dé phuong trinh x+1=23m~/2x> +1 c6 hai nghiém thuc phan biét.

a6 a6 Y2 J6
A, —<m<—. B.——<m<—.C. m<—. D.m>—.
6 6 6 6 2 2

Loi giai
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT tuwong giao = PP xét ham.

Tacor x+1=3m2x +1 & 2L 30 (1).

Xéthamsé f(x)=

V2xt+1

2
m_Zx +2x
_ JrPel o 1-2x

/(%)

25" +1 (20 +1)
F/(x) =0 x =2 lim f(x)=—=; lim f(x)=-—=.
2 x4 \/5 X—>—0 \/5
Bang bién thién:
x 1
—00 > +00
(%) + 0 _

NG
2 V2

Dua vao bang bién thién ta co:

Phuong trinh (1) ¢6 hai nghiém thyc phan biét khi va chi khi:

L<3m<£@%<m<%.

2
Cau 17. Tat ca gid tri ciia m dé phuong trinh mx —~/x—3 = m+1¢6 hai nghiém thyc phan biét.

1+\/§. B. m>0. C.lﬁmﬁﬁ. Qlﬁm<1+\/§.
4 2 2 2 4

A.O0<m<

Loi giai
Chon D

Ta c6 phuong trinh mx—~/x—=3 =m+1 (1) xac dinh voi x €[3;+ )
(1) & m(x—1)=vx=3+1v6i xe[3;+»)
Vx=3+1

m:T Vol x e[3;+ )

Vx=3+1

Xéthamso y= f(x)= .
x—

vél x e [3;+oo).
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.
f'(x)= S=¥—2vx=3 voi x e(3;+)
= ;
24x=3 ( xX— l)

3<x<5

4(x—3) =(5—x)2

f(x)=0 & 2@:5—“@{

3<x<5

3<x<5
@{ l:x=7—2\/§<:>7—2\/§

X" —14x+ =
x—7+2\/§

1+\/§
4

A s o1
Dua vao do thi ta thay voi E£m<

y=f(x)= —”_31” tai hai diém phan biét nén phuong trinh (1) c6 hai nghiém phan biét.
x —

thi duong thang y = mcat do thi ham sb

Cau 18. Cho phuong trinh x* +7+m\/x2 +x+1= \/x4 +x7+1 +m(\/x2 -x+1 —2). Biét tap hop tat ca
cac gié tri cua m dé phuong trinh di cho c¢6 nghiém la (—a;b) . Tinh P=b+a.

A2 B. 3. c. 2 p. 12
3 6 - 3 2
Loi giai
Chen C
Tap xac dinh: D=R
Ta co:

x2+7+m\/x2 +x+1 =\/x4+x2+1+m(\/x2 —x+1—2)

P x4+x2+1=m(\/x2—x+1—\/x2+x+1—2).(1)

t2
bat t=\/x2—x+1—x/x2+x+1 =S +7-Vx +x7+ =E+6.

2x—1 2x+1 2x(\/xz*-)“’l_\/xz—“1)—(\/)62+x+1+\/x2—x+1)

\/xz—x+1_\/x2+x+1_ vt xt e+l

Taco: t'=
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT tuwong giao = PP xét ham.

2(x2—1— x4+x2+1)
(\/x2+x+l+\/x2—x+1)\/x4+x2+1

X <xt+x*+1,VxeR

Vi (\/x2+x+1+\/x2—x+1)\/x4+x2+1 >0,VxeR

1

=1t'<0,VxeR.

lim (\/xz—x+1—\/x2+x+1)= lim —2x =1.

= = X —x+ 1+ +x+1

va lim (\/xz—x+1—\/x2+x+1)= lim —2x =-1
o 2 [ —x 1A Fx+

Béng bién thién

X —0 +0
t' —
1
t
-1
Tir bang bién thién suy ra ¢ € (-1;1)
5 *+12

() or+12=m(2t-4) = m= 4 = f(t)(do re(-11)).

26* -8t —24 t=-2¢(-11)

faco f= (26—-4) < t=6¢(-11)

Béng bién thién:

t - | 1
f'@) -
16
3
f®
13
2
Tur bang bién thién suy ra phuong trinh c6 nghiém khi va chi khi B <m< —%.
Suy ra me(—%;—%j:>61=%;b=_?l3. Do do P=b+a=?_

Cau 19. Cho phuong trinh (m - 2) Vx+3+ (2m —1)\/1 —x +m=1. Biét rang tap hop tit ca cac gia tri
ctia tham s6 thuc m dé phuong trinh ¢6 nghiém la doan [a;b] . Gid trj cta biéu thic 5a +3b

bang
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

A. 13. B. 7. C. 19. D. 8.
Loi giai

Cach 1:

Tap xacdinh : D= [—3;1] .

2Nx+3++1-x+1

Jx+3+2J1-x+1

Tu phuong trinh suy ra: m =

2NMx+3+1-x+1

Jx+3+2d1-x +1

W alasras),

(ﬁ+2\/§+1)

Xét ham sé g(x) = trén doan [—3;1] .

€ [—3;1].

Taco: g'(x)=

Suy ra ham s6 y = g(x) dong bién trén [—3;1] )

. 3
Do do, min g(x) =—; X)=—.
min ¢(x) = <:maxe(x)

Suy ra phuong trinh c6 nghiém < m e [% %} .

Vay S5a+3b=8.DapaD
Céach 2:

Tap xacdinh: D= [—3;1] .

. . 2Nx+3+1—x+1
Tu phuong trinh suy ra : m = .
Vx+3+241-x+1

2Nx+3+41-x+1

Xétham sé g(x) =

trén doan |-3;1].
Jx+3+2J1-x+1 n [=3:1]

Dung may tinh ta du doan %S g(x) S%.
2Nx+3+1-x+1 >§
Vx+3+2J1-x+1 5
Taco: (1) 10Vx+3+5V1-x+523Jx+3+64/1-x+3
S TNx+3+2-+1-x2>0.

Xét trén doan [—3;1] thi 74/x+3 >0;2—+/1-x >0.Suy ra (1) luén ding. Dau "="xéy ra khi

x=-3.

M

Ta ching minh:
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Cau 20.

20x+3+41—-x+1 <§ 2
Jx+3+201-x+1 3

Taco: (2) < 63Jx+3+3V1-x+3<5Vx+3+10V1-x+5

SAx+3<TVI=-x +2.

Ta lai chirng minh:

Xét trén doan [—3;1] thi Vx+3 <2;74/1—x +2>2.Suy ra (2) ludn ding. Ddu " ="x4y ra khi

x=1.

Do do, %Smsé.

Suy ra phuong trinh ¢6 nghiém < m e {%,g} :

Vay 5a+3b=8.Dap an D

(SGD Ba Ria Viing Tau-dé 1 nim 2017-2018) Tap hop tat ca cac gia tri cua tham s6 m dé do
thi ham s6 y = x> +mv4—x> +m—7 c6 diém chung voi truc hoanh Ia [a;b] (voi a;hbeR).

Tinh gid tricia S=a+b.

:E B. $=5. C.S=3. D.S=E.

A. S .
3 3

Tap xac dinh ctia ham s6: D= [—2;2] .

Phuong trinh hoanh do giao diém cta dd thi ham s6 y = x> + mv4—x* + m—7 va truc hoanh 1a

_ 2
X +m 4—x2+m—7=0<:>m(\/4—x2+1)=7—x2<:>m=7—x (1)
Nad-x* +1
*+3

bat t=v4-x*, t[0;2], phuong trinh (1) tr¢ thanh m = (2).

t+1
Do thi ham s6 da cho ¢6 diém chung véi truc hoanh khi va chi khi phuong trinh (2) c6 nghiém
te [0; 2] .

2

Xét ham s f (¢)= ’t :13

voi te[O;Z].

_CH2u-3 t=1€(0;2)

Tacs (1) (t+1)’ = t=-3¢(0;2)
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Cau 21.

7
£(0)=3, f(1)=2, f(z):g.
Do d6 I[l(’)l;izl]lf(t)=2 va rﬁgi(f(t)zl
Boi  vdy, phuong trinh (2) 6 nghiém ¢e€[0;2] khi va chi khi
Ia&izr]lf(t)ﬁmﬁ%gi{f(t)QZSmS&

Turdosuyraa=2,b=3,nén §=2+3=35.

Tim céc gid tri thyc ctia tham s6 m dé phuong trinh (sinx - 1)((:05,2 X—cosx+ m) =0 co ding

5 nghi¢m thudc doan [O; 27[].

A.OSm<l. B. —l<mSO. C.0<m<l. D.—l<m<0
4 4 4 4
Loi giai
sinx=1
Ta co:

cos’ x—cosx+m =0(*)
Vi sinx=1<:>x=%+k27r ¢6 1 nghiém thuoc [0;27] nén ycbt tré thanh: tim m dé (*) c6 4
nghiém thude [0;27] va khac %
Ta co: (*) < cos’ x—cosx =—m. Dat t =cosx(-1<¢<1) vaxét f(¢)=¢*—1 trén [-1;1]
() =21, f() =0 =2

Yéu cau bai toan tré thanh tim m dé duong thiang y = —m cit do thi ham sb f (t) = —ttai2

diém thuoc [—1;1] vat#0

Bang bién thién:

(=R S IE

f e

4

X A , 1 1 \ , .7 - A 1
Dua vao bang bién thién ta co: 2 <-m<0&s0<m< 7 la céc gid tri m can tim.
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Cau 22. Goi K la tp hop tit ca cac gia tri ctia tham sé m dé phuong trinh
sin2x + \/Esin(x +%j —2 =mco6 dung hai nghiém thudc khoang [0;%} .Ho6i K'la tap con

cua tép hop nao dudi day?

A.[_ﬁ;ﬂ] b (-3). o [-E2) D.[_ﬁ;ﬁ}.

2 2
Loi giai
Chon C
Cach 1:

bat t=ﬁsin[x+%)=sinx+cosx, te[—\/z;\/z].

Suyra t* =1+sin2x = £ +t-3=m

Xéthamsd y=f(1)=£+1-3,1e[ 2142

f(t)=2t+1

f'(t)=0e t=—% e[—\/i;\/i]

Phuong trinh sin2x + V2 sin(x +%) —2 =mc6 ding hai nghi¢m thudc khoang (0;%)

<> Phuong trinh > +¢—3=m c6 diing mot nghiém ¢ € (1;\/5)

t 1 2
/(1) *
>
f(t) \/5—1

Dua vao bang bién thién ta thdy K = (—1;\/5 - 1) c [—\/E,gj

Cach2:

Xét ham s6 f(x)=sin2x+x/§sin(x+%]—2véi xe(O;%j.

Taco f'(x)= 200s2x+x/§cos(x+%j, vay
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f’(x)=0c>2c052x+x/§cos(x+%j=0

c:>2((:0523c—sin2 x)+cosx—sinx=0

[cosx—sinx=0
o )
2(cosx+sinx)+1=0

x=£e(0;3—”j
4 4

_2\/Esin(x+%j+1=0 (*)

Vi trong khoang (0;377[) thi sin (x +%) > 0nén phuong trinh (*) vO nghiém trén (0;377[) . Lap

bang bién thién

x 0 z 3_FI
4 4
f'(x) + 0 _
f[:xj , / M&_—l \ .

Vay dé phuong trinh da cho ¢6 hai nghiém phan biét trén khoang (0;37”) thi

me (—l;ﬁ—l) c (—ﬁ,ﬁJ
2

Cach 3:
bat ¢t = \/Esin[x+%j =sinx+cosx; vOi x (0;37”) =tec (0;\/5].
Khi d6: sin2x =¢* —1. Phuong trinh da cho trg thanh: £* +¢—3 = m.(2)

rY X JUN , N CA 371' .
Luu y rang: moi nghiém ¢ € (1;\/5 ) cta phuong trinh (2) cho ta 2 nghiém x € O;T clua
chi cho ta mgt nghiém x e (O; 37”) ctia phuong trinh (1) . Sb

N
1e(0;1)

nghiém phuong trinh (2) bang s6 giao diém cta (P): y =¢* +¢—3 va duong thang y=m.

=
phuong trinh (1) va VO”i|:
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Luyén mii thanh tai- miét mai tit gioi.

Cau 23.

1
t —0 Ty 0 1 \/E +0
+o0 +a0
N
1
y o
-3
AN
4

Dua vao bang bién thién ta suy ra yéu cau bai toan 1a —1<m < —1+ V2.

Vay K = (—1;—1+\E) c (—\E;g}

YU ‘ ‘ : X . ‘a
Vi gia tri nao ciia m thi phuong trinh 5—4sin® x —8cos’ 3 =3m co6 nghiém.

. B. —iSmSI. C.0<m<

3

D. —iSm<§.
3

A. —iSmS
3 3

W | W
W |

Loi gidi

Chon dap an D.

Ta cb 5—4sin? x—8cos2%=3m = 5—4(1—cos2x)—4(1+cosx) =3m

< 4cos’x—4cosx—3-3m=0 (1)
bat t=cosx, —1<¢<1.

Khi do (1)< 4r* —4t—-3=3m (2).
Xéthamso f(t)=4t—4t-3, f'(t)=8t-4.Cho f'(x)=0<:>t=%.

Béng bién thién:
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2D1-BT34:BT twong giao = PP xét ham. When the student is ready , the teacher will appear.

Khi do (1) ¢6 nghiém <> (2) c6 nghiém thude [-1;1] & -4<3m <5< —g <m< %

Cau 24. Cho phuong trinh 3v/tanx+1(sinx+2cosx) = m(sinx+3cosx). Co bao nhiéu gia tri nguyén

ctia tham s6 m € [0; 2019] dé phuong trinh c6 diing mot nghiém thudc khoang (0;%) .

A. 2017. B. 2018. C. 2019. D. 2020.
Loi giai

Xét phuong trinh: 3vtanx+1(sinx+2cosx)=m(sinx+3cosx). (1)

Chia ca hai vé ctia phuong trinh (1) cho cos xta dugc

B 3\/tanx+1(tanx+2)

tan x +3

3Vtanx+1(tanx+2) =m(tanx+3) o m

(2

bit t=+/tanx+1, do xe(O;%)nén t € (1;+0).

35 +3¢
£+2

Phuong trinh (2) tr¢ thanh : m 3)

Nhan xét: Véi mdi mot gia tri te(l; +oo)t1‘1' cach dat #=+/tanx+1cho ta ding mot gia tri

T oA A N o 2 \ Y A
X€ (O;Ej . Do d6 yéu cau bai toan twong duong voi tim m dé phuong trinh (3) c6 ding mot
nghiém ¢ e (1:40).

bat f(t)=3t3+3t te(l;40).Taco f'(¢)

341587 +6
£+27

(t2 +2)2

>0,V1 e (1;+0).

Bang bién thién ciia ham f (1) :

| -

™\

=
N
"

R\\

b

Duya vao bang bién thién ta thay phuong trinh (3) c6 dung mot nghiém ¢ & (1: +o0) khi va chi khi
m>2.Do meZvame [0;2019] nén me {3;4;...;2019} .
Vay c6 2017 gia tri nguyén m thdoa man.

Cau 25. Tim tit ca cac gia tri cia m dé phuong trinh sin4x = m.tan x co nghiém x # kz .
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT34:BT tuwong giao = PP xét ham.

A.—%Sms4. B. -1<m<4. C.—%<m<4. Q.—%Sm<4.

Pidu kién: x¢%+k7r, keZ .

sin x

Vi x # kz nén phuong trinh sin4x = m.tan x < 4sin xcos xcos2x =m
COS X

. 7
< 4dcos’ x.cos2x—m=0 voi x#==+krx

< 2(1+cos2x)cos2x—m =0 < 2cos’ 2x+2cos2x=m (1)

bat f(t)=2+2tv6i t=cos2x, te(-11).

(Do xi%-f-kﬂ'Vél x#krnén 2x# kx,suyra t#=xl)

Khido f'(1)=4t+2, f'(t)=0<:>t=—%e(—l;l)

Phuong trinh (1) ¢6 nghiém x # k7 khi —% <m<4.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT35:Giéi BPT chita tham sb.

BAI 35. GIAI BAT PHUONG TRINH CHUA THAM SO .

A.LY THUYET:
Bai toan :

F(x;m)>0;F(x;m)>0

Tim gid tri ciia tham s6 m dé bt phirong trinh co nghiém trén D.

F(x;m)<0;F(x;m)<0

Phwong phap:
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2D1-BT35:Gii BPT chira tham sb. When the student is ready , the teacher will appear.

B. Vi DU MINH HQA

Caul. C6 bao nhibu gia trj nguyén 4m cua tham sé m dé ham sé y = x* +mx —% ddng bién trén
khoang (0; +oo) ?
Al B.3. C.2 D. 4

Cau2. Tim tit ca cac gia tri cia tham s m dé ham s y = x* +3x% + mx—1 dong bién trén R .
A.m<3. B. m<-3. C.m=23 D.m>-3

Cau 3. Tim tit ca cic GT cia tham s6 m dé ham s y =—x* —4x® + mx® —2 dong bién trén (—oo;O) .

A. m<—. B.m<——. C.m2>2—— D.m<—
4 2 2" 4

A \ Ay 2 gz ege A X1 s £ x=2 <X A
Caud. Tim tit ca cic gid tri ciia tham s6 m dé ham s y = x* + mx +——= dong bién trén (1;+0).
g y g

A.m<5. B.m<-5. C.m=25 D.m>-5

Cau 5. Tim tit ca cic gia tri cua tham s6 m dé ham sé y = %x“ +x +%(3 —m)x* +(3—-m)x+1 dong
bién trén (—1;+00).
A.m<3. B. m<-3. C.m=4 D.m>-3

Cau 6. Tim tit ca cac gia tri cia tham s6 m dé ham s y=x"+ mx—% dong bién trén (0;+0).
A.m<1. B. m<0. C.m>-1 D.m>-2

Cau7. Tim tat ca cac gia tri nguyén duong cua tham s6 m dé hamso y = Exz —mx+4x dong bien
trén (0;+00).
A. 2. B. 3. C. 4 D. 5

Cau 8. Tim tat ca cc gia tri nguyén duong cia tham s6 m dé bat phuong trinh x+3 > mx* +1 ¢6
nghiém trén (0;+oo).
A. 1. B. 2. C.3 D. 4

Cau9. Tim tit ca cac gia tri nguyén duong ctia tham sb m sao cho bat phuong trinh sau c6 nghiém

Vx+5+V4d—-x2m.
A. 1. B. 2. C.3 D. 4

Cau 10. Tim tit ca cac gia tri nguyén duong ciia tham sé m sao cho bat phuong trinh sau c6 nghiém

Nx=1+v4d—x2>2m.

Al B.2. C.3 D. 4
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C. BAI TAP TREN LOP
Caul. Hamso y=x"—6x’+mx+1 dong bién trén mién (0;+o0) khi gid tri cua m thoa man:
A.m=>12. B. m<0. C. m<12. D. m>12.
Cau2. Goi S latap hop cac gia tri nguyén dwong cia m dé ham s6
y=x —3(2m + l))c2 + (12m + 5)x+ 2 dong bién trén khoang (2;+oo) . SO phan tir ctia § bang
A.3 B. 0 C. 1 D. 2
A \ £ I 5 (m+2) 2 L \ £ R T
Cau3. Chohamso y= gx —Tx +2mx+1 voi m 1a tham so thuC. Tap hop cac gia tri cua m
dé ham s6 dong bién trén khoang (0;1) 1a
A. (—oo31]. B. [1;+). C. (—o0;1). D. (I;+x).
Caud4. Tim céc gid tri thuc cia tham s6 m dé hamsé f(x)=x"+3x> —(m2 —-3m +2)x+5 dong bién
trén khoang (0;2).
A l<m<2. B.m<1l,m>2. C.1<m<2. D.m<1, m>2.
Cau5. Tap hop cac gid tri cia m dé ham s6 y=x’ —3(2m—3)x2 —72mx+12m* nghich bién trén
[—2;4] la
A. [2;5]. B. [2;+ ). C. [L;+0). D. (—0;3].
Cau 6. Tim tit ca cc gia thuc cia tham sé m sao cho ham sé y = 2x® —3x* —6mx +m nghich bién
trén khoang (—11).
A.mS—l. B.mzl. C.m=>2. D.m>0.
4 4
Cau7. Tim tit ca cac gia tri thuc ctia tham sé m dé ham sd y = 2x* + x* —mx +2m —1 nghich bién
trén doan [—l;l].
1 1
A.mg—g. B.mz—g. C. m<8. D.m=>8.
Cau8. Dicukién cua tham sé m dé ham s6 f(x) =2x’ +3x” + 6mx —1 nghich bién trén (0; 2) la
A.m<-6. B. m<-6. C.mZi. D.—6Sm£%.
Cau9. Tinh tong cac gia tri nguyén ciia tham s6 m € [—50;50] sao cho bat phuong trinh
mx* —4x+m >0 nghiém ding v4i moi x e R.
A. 1272. B. 1. C. 1275. D. 0.
Cau 10. Tim tit ca cac gia trj thuc ciia tham sb m sao cho ham s6 y = x* - Z(m —l))c2 +m—2 dong
bién trén khoang (1;3).
A. me(—0;-5). B. me(2;+). C. me[-52). D. me(—»;2].
. -1 ) . .
Cau 11. Bat phuong trinh x—l > m c6 nghi¢m thudc doan [1;2] khi va chi khi
x+

1
A. m<—. B. m<0. C.m=>0. D.m>—.

3
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2D1-BT35:Gii BPT chira tham sb. When the student is ready , the teacher will appear.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Tap tat ca cac gia tri thuc cia tham s6 m dé hamsb y =mx —% +2x° dong bién trén khoang
(O;+oo) la

A. [—9;+OO). B. (—oo;—9). C. (—9;+OO). D. (—oo;—9].

Tim tat ca cac gia tri thuc ctia tham s6 m dé ham sé y =sin® x—3cos® x—msin x —1 dong bién
trén doan [O;%]

A. m<0. B. m<-3. C.m>0. D. m>-3.
Cho ham s6 y =-2sin’ x+3sin’ x+6(2m—1)sinx+2019. Co tat ca bao nhiéu gia tri ctia tham

s0 m thudc khodng (—2016;2019) dé ham s6 nghich bién trén khoang (%37”) ?

A. 2019. B. 2017. C. 2021. D. 2018.

Bét phuong trinh 4* — (m + 1) 2" + m >0 nghiém dung v&i moi x > 0 . Tap tat ca cac gi tri ciia
m la

A. (—0;12). B. (—o0;-1]. C. (-o0;0]. D. (-1;16].

Tim tat ca cac gia tri nguyén duong ciia tham s6 m dé bat phuong trinh x+3> mm co
nghiém trén (O; +oo).

A. 1. B. 2. C.3 D. 4.

Cho bét phuong trinh my1—x +124/1—x% >16x+3my/1+x +2m+15. C6 tAt ca bao nhiéu gia
tri nguyén ctia tham s6 m e [—9;9] dé bat phuong trinh nghiém dung véi moi x e [-1;1].

A. 4. B.5. C.8. D. 10.

Tim tap hop céc gia tri thyc ctia tham s6 m dé hams6 y = m —mx—1 dong bién trén
khoang (—oo; +oo) .

A. [1;+00). B. (—o0;—1]. C. [-L1]. D. (—o0;1).

Tim tt ca cac gia tri thuc ciia tham s m sao cho moi nghiém cua bat phuong trinh:

x> =3x+2<0 ciing 1a nghiém cta bat phuong trinh mx” +(m+1)x+m+1>07?
A.ms—g. B.mz—g. C.m=-1. D. m<-1.

Tim tat ca cac gia trj thuc cia m dé bat phuong trinh

(x2 —l)(x—l)x3 +()62—)c)2 (2—m)+(x2 —1)(x—1)20,‘v’xeR

1
A.m<2. B.mS—Z. C. m<l1. D. m<6.
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D. BAI TAP REN LUYEN

Caul.

Cau 2.

Cau 3.

Cau 5.

Cau 6.

Cau 7.

Tim tap hop tat ca cac gid tri thuc ciia tham sé m dé ham sé y = x* —6x* + mx+1 dong bién
trén khoang (0;+00).
A. [3;+oo). B. [48;+oo). C. [36;+oo). D. [12;+oo).

C6 bao nhiéu gia tri nguyén duong cua tham s6 m dé ham sb
y=x'=3(m+1)x’ +(6m+5)x—1 dong bién trén (2;+0)?
A. 2. B. 1. C.0. D. 3.

Tim tat ca cac gia tri thuc ciia tham s m dé ham s& y = x* +(1-2m)x* +(2—m)x+m+2 dong

bién trén (0;400)?

5 5 5 5
A.m<——. B. m<—. C.mz——. D.m=>—.
4 4 4 4
Tim tat ca cac gia tri m dé ham sd y =x* —3x* + mx+2 ting trén khoang (1;+oo).
A.m<3. B. m<3.
C.m>3. D.m=#3.

Tap hop tat ca cac gia tri cua tham sém dé ham sé y = x* — mx? —(m —6)x +1 dong bién trén
khoang (0;4) la:
A. (—0;3]. B. [3;6]. C. (-;6]. D. (—0;3).

Tap hop tat ca cac gi tri thuc cua tham s6 m dé ham sé y=x*+3x* + (m —1)x+ 4m dong
bién trén khodng (-1;1) 1a

A.m>4. B. m>4.

C. m<-8. D. m<8.

Ham so y:?f —(m—l)x2 +3(m—2)x+§ dong bién trén (2;+00) thi m thudc tap nao sau

day:

A. me(2+2\/g;+oo} B. me(—oo;%j.

_2_\/6}

C.me(—oo;—l). D.me{—oo; 5
(Chuyén Thai Nguyén - 2018 - BTN) C6 bao nhiéu gia tri nguyén ctia tham sd m
(m € [—2018;2018]) dé ham s6 y = x* (m—x)—m dong bién trén (1;2)?

A. 2020. B. 2016.

C. 2018. D. 2014 .
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Cau9. C6 bao nhiéu gia tri nguyén duong cia tham s thuc m nho hon 2020 dé ham sé
1 \ .
y= —§x3 +(m—1)x2 +(m +3)x—10 dong bien trén khoang (0;3) .
A. 2020. B. 2018. C. 2019. D. V6 sb.
Cau 10. Tap hop tat ca cac gia tri thuc cua tham s6 m dé hamsd y = —§x3 +x* +mx—2019 nghich
bién trén khoang (O;+ oo) la
A.m<—1. B. m<-1. C.m>-1. D. m<1.
3
Cau 11. Tim tit ca cac gia tri thuc ctia tham sé m sao cho ham sb y = f(x) = Y Tmx +14x—m+2
giam trén nira khoang [1;+0) ?
A. [—2;—2}. B. —E;—koo . C. —oo;—E . —oo;—E .
15 15 15 15
Céu 12. Tim tap hop tat ca cac giac tri thuc ctia tham s6 m dé ham sé y = x* + mx”> — x+m nghich bién
trén khoang (1;2).
A. [—1;+oo). B. (—oo;—ﬂ}. C. —oo;—u . D. (—oo;—l).
4 4
Cau 13. Tim m déhamsé y=—x’+3x” +3mx+m—1 nghich bién trén (0;+00).
A.m>-1. B. m<-1. C. m<1. D. m<1.
Céu 14. C6 bao nhiéu gia tri nguyén khong 4m cua tham sé m dé ham sb y = x* —2mx* —3m+1 dong
bién trén (1;2)?
A. 1. B. 2. C.3. D. 4.
Cau 15. Tat ca cac gia tri thuc cta tham sd m sao cho ham s§ y =—x* +(2m —3)x* + m nghich bién
trén khoang (1;2) la (—oo;ﬁ} , trong d6 phén s6 LTS gian va ¢ >0. Hoi tong p+gq 13?2
q q
A. 7. B. 3. C.5. D. 9.
Ciau 16. C6 bao nhiéu gia tri nguyén am cta tham sé6 m dé ham sd y =—x’ —mx+ ™ nghich bién
X
trén khoang (0;+00) ?
A. 1. B. 4. C.3. D. 0.
Cau 17. Tim s6 thuc m 16n nhat dé bat phuong trinh sau nghiém dung véi moi x e R :
m (|sin x| +|cos x| +1) < [sin 2| + |sin x| +|cos x| - 2018.
1 2017
A. 3 B. -2018. C. 5 D. -2017.
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Ham s6 y =2mx+sinx dong bién trén tap so thuc khi va chi khi gia tri cia m 1a

1 1 -1
A.I’I’ZZ—E. B. meR. C.WIZE. D.—<m<

Tim tit ca cac gia trj thuc ctia tham sé m dé d thi ham s y = sin x +cos x + mx dong bién trén
R.
A. -2 <m<+2. B. m>+/2. C.2<m<\2.  D.m<—2.

Tim tat ca cac gia tri thuc ciia tham sb m dé ham sd y = 2sinx—3cosx+mx dong bién trén
R.
A. me(—oo;—\/ﬁ]. B. me(—oo;\/ﬁ} C. m€|:\/B;+OO). D. me[—\/ﬁ;ﬂo).

C6 bao nhiéu gia tri nguyén ciia m dé hamsb y =3x+ m(sinx +cosx+ m) dong bién trén R
?
A. 3. B. V6 s6. C. 4. D.5.

r ‘A A A A A 1N A 1 A < A A
C6 bao nhiéu s6 nguyén am m dé ham so y = 50053 x—4cotx —(m + l) cosx dong bién trén

khoang (0;7[) ?
A. 3. B. 2. C. vo sb. D. 5.

C6 bao nhiéu gid tri nguyén ctia tham sé m thugc khodng (—2019;2019) dé ham s6

. . A L n T
y =sin’ x—3cos’ x—msinx—1 dong bién trén doan [0;5} .

A. 2028. B. 2018. C. 2020. D. 2019.
Tim m déhamsd y= m——szlnx nghich bién trén khoang (0;1)
cos” x 6
A. m<2. B.mS%. C. m<0. D.m>1.
Co bao nhiéu gia tri nguyén cua m thudc doan [—2018; 2018] dé ham s
2 2 )
y= cot’ x—2mcotx+2m” —1 nghich bién trén (z;zj‘
cotx—m 42
A. 0. B. 2020. C. 2019. D. 2018.

C6 bao nhiéu gia tri nguyén duong ciia tham sé m dé bat phuong trinh
9" -4.6" +(m + 1)4" <0 c6 nghiégm?
A. v sb. B. 6. C. 4 D. 3.

Cho bét phuong trinh 8" —=3.2**'+9.2" +m—5>0 (1). C¢ tat cd bao nhiéu gia tri nguyén
duong cua tham s6 m dé bat phuong trinh (l) nghiém diung vdi moi x € [l; 2] ?

A. Vo sd. B. 4. C.5. D. 6.
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Cau 28.

Céu 29.

Cau 30.

Cau 31.

Cho ham s y= f(x) =x++1-x> . Tim tht ca cac gia tri thuc cua tham $6 m thoa man
f(x)<m voimoi xe[-1;1].

A m<~2. B. m<0.

C.m=+2 . D. m>+2.

Tim m dé bt phuong trinh x+2,/(2—x)(2x+2) > m+4(v2—x +v2x+2) ¢ nghiém?

A. m<-8. B. m<—1-4/3 .
C. m<-7. D. 8<m<-7.

S gia tri nguyén cua tham sb m e [—10;10] dé bat phuong

V34+x+V6—x —18+3x—x* <m®* —m+1 nghiém ding Vxe[—3;6].

A. 28. B. 20.

C. 4. D. 19.

Nhan xét: Trén tinh than thi tric nghiém, hoc sinh hoan toan c¢6 thé st dung tinh ning TABLE

clia may tinh cam tay dé tim r[n3a6>§f(x)=3 voi f(x)=v3+x+v6-x—-+18+3x—x" . Tirdo

dua bai toan vé dang giai bat phwong trinh béac hai co ban: m* —m+1>3 mot cach dé dang.

Cho f(x) ma ham sO y= f'(x) co bang bién thién nhu hinh v& bén. Tt ca cac gia trj cua

. L 1
tham s6 m dé bat phuong trinh m+ x> < f(x) +§x3 nghiém dang véi moi x € (0;3) la

z | —1 1 3
f’(x) /3 \
1 2
A.m<f(0). B.me(O).
C. m< f(3). D.m<f(1)—§.
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Ciau 32. Cho hamso y = f1 (x) c¢6 bang bién thién nhu hinh v& bén.

X | = 1 3 40
¥y’ - 0 - 0 +

Tim tht cé cdc gié tri m dé bit phuong trinh y = £ (vx=1+1)<m 6 nghi¢m?

A. m=>0. B. m>4. C. 1. D. m>-2.

Cau 33. Chohamsé y = f(x) c6 do thi nhu hinh dudi day.
3 T

o

~-

et ol
k.

Tim tit ca cac gia trj thuc cta tham sé m dé bat phuong trinh 2.f (x) +x* >4x+m nghiém
ding véi moi x € (—1;3) :
A.m<-3. B. m<-10. C.m<=2. D. m<5.

Ciu 34. Bat phuong trinh c6 nghiém thudc doan [—1;3] khi va chi khi m < 7. Cho f(x) ma dd thi ham
s6 y = f'(x) nhu hinh vé& bén

Bét phuong trinh f(x) > sin%+ m nghiém dang voi moi x € [—1;3] khi va chi khi

A. m< f(0). B. m< f(1)-1. C. m< f(-D+1. D. m< f(2).
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When the student is ready , the teacher will appear.
Cau 35. Cho ham s6 f(x) lién tuc trén R . Himsd y = f’(x) ¢6 d thi nhu hinh dudi day:

B i o i

I
i

Bét phuong trinh 3f(x) <x’=3x" +m ding véi moi x e (—1;3) khi va chi khi

A.m=3f(3). B. m>3f(3). C.m23f(-1)+4. D.m>3f(-1)+4.
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BAI 35. GIAI BAT PHUONG TRINH CHUA THAM SO .

A.LY THUYET:

Bai toan :

Tim gid tri ciia tham s6 m dé bt phirong trinh co nghiém trén D .

Phuong phap:
Buée 1: Co lap tham sb m va dua vé dang A(m) > f(x) hodc A(m) > f(x) hoac
A(m) <f(x) hodc A(m) Sf(x).
Buée 2: Khao sat sy bién thién cia ham s6 f (x) trén D
Budce 3: Dua vao bang bién thién cua ham s xac dinh céc gia tri cia m
Chii y: Néuham s6 y = f(x) c6 gid tri 16n nhét va gié tri nho nhat trén D
» Bt phuong trinh A(m) > f(x) nghiém dung Vx € D < A(m) > max £ (x)
» Bit phuong trinh A(m) < f(x) nghiém ding Vx € D < A(m) < mgn f(x)
» Bit phuong trinh A(m) > f(x) nghiém dung trén D < A(m) > mgn f(x)

» Bit phuong trinh A(m) < f(x) nghiém dung trén D < A(m) < max f(x)
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B. Vi DU MINH HQA

Caul. C6 bao nhibu gia trj nguyén 4m cua tham sé m dé ham sé y = x* +mx —% ddng bién trén
khoang (0; +oo) ?
Al B.3. C.2 D. 4

Cau2. Tim tit ca cac gia tri cia tham s m dé ham s y = x* +3x% + mx—1 dong bién trén R .
A.m<3. B. m<-3. C.m=23 D.m>-3

Cau 3. Tim tit ca cic gia tri cia tham s6 m dé ham sé y = —x* —4x’ + mx* —2 ddng bién trén (—oo;O)

A.mﬁg. B.mﬁ—g. C.m2—2 D.ms—g
4 2 2 4-
A S AL e e, ,( T A 2 x—=2 <& N
Cau4. Tim tat ca cac gia tri cia tham s6 m dé hamsd y=x"+mx+ dong bién trén (1;+oo).
x_
A. m<5. B. m<-5. C.mz5 D.m>-5

oy e . . . 1 1 .
Cau 5. Tim tat ca cac gia tri cia tham so0 m dé hamso y = ZX4 +x° +5(3 —m)x> +(3—m)x+1 dong
bién trén (—1;+0).

A.m<3. B. m<-3. C.m=4 D.m=>-3

A N A 5 ’ [ © A A \ A 1 A < A A
Cau 6. Tim tat ca cac gia tri cia tham s6 m dé ham s y=x"+ mx—3— dong bién trén (O; +oo).
X

A. m<1. B. m<0. C.m=>2-1 D.m>-2

I4 . . 4 2 X 1 X « K
Cau7. Tim tat ca cac gia tri nguyén duong cua tham s6 m dé hamso y = Exz —mx+4x dong bien
trén (0;+0).
A. 2. B.3. C. 4 D.5

Cau8. Tim tit ca cac gia tri nguyén duong ciia tham sb m dé bat phuong trinh x+3 > m+/x> +1 ¢6
nghiém trén (0;+00).
A. 1. B. 2. C.3 D. 4

Cau 9. Tim tat ca cic gia tri nguyén duong ctia tham s6 m sao cho bat phuong trinh sau co nghiém

Nx+5+V4d—-x>m.
A. 1. B. 2. C.3 D. 4

Céau 10. Tim tit ca cac gia tri nguyén dwong ciia tham s6 m sao cho bat phuong trinh sau c6 nghiém

Nx=1+v4d—x2>2m.
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Al B. 2. C.3 D. 4

C. BAI TAP TREN LOP

Caul.

Cau 2.

Ham s y=x"—6x* +mx+1 dong bién trén mién (0;+o0) khi gid tri cua m théa man:
A.m=>12. B. m<0. C.m<12. D. m>12.
Loi gidi

Tap x4c dinh: D=R..

Ta co: y'=3x" —12x+m. D& ham s6 dong bién trén (0;+o0) khi va chi khi:
¥'20,Vxe(0; +00) < 3x” —12x+m 2 0,Vx € (0; +90) < m 2 -3x" +12x,Vx € (0; +0).
Xétham sb: g(x)=-3x"+12x,Vx € (0; +o0).

Taco: g'(x)=—6x+12; g'(x) =0 —-6x+12=0x=2=g(2)=12..

Béng bién thién:

Vay ta co: mZg(x)@me(l))aﬁg(x)@mZIZ.

Goi S 1a tap hop cac gia tri nguyén duong ctia m dé ham sb
y=x"=3(2m+1)x* +(12m+5)x+2 dong bién trén khoang (2;+o0). S6 phan tir cia § bang
A.3 B. 0 C.1 D.2

Loi giai

Téap xac dinh D=R.

y’=3x2—6(2m+l)x+12m+5.

Ham sé dong bién trong khoang (2;+oo) khi y'>0, Vxe (2;+ oo)
< 3x"=6(2m+1)x+12m+5>0, Vxe(2;+0).

2
3x? —6(2m+l)x+l2m+520 <:>m£M
l2(x—l)

B 3x*—6x+5

Xéthamsb g(x)= (1) Vol x e(2;+0).
v
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g'(x)

2
:31);(_—6);;'21>0 vOi Vx e(2;+0) = ham sb g(x) ddng bién trén khoang (23+).
x_

Do d6 mSg(x),Vxe(2;+oo) :>m£g(2) @mS%.

Vay khong c6 gia tri nguyén duong nao cua m thoa man bai toan.

A \ A I 5 (m+2) 2 L \ £ A TR
Cau3. Choham so y=§x —Tx +2mx+1 v6i m 1a tham sO thuc. Tap hop cac gia tri cia m

dé ham sb dong bién trén khoang (0;1) la
A. (—oo31]. B. [1l;+). C. (-oo31). D. (1;4).
Loi giai

Cach 1:
+2
Ta co yzéxz’—(m2 )x2+2mx+1 =y =x'-(m+2)x+2m.
X =
=0
4 Lc=2

0<1<m<2

= m21.Dodo me[l;+mo).
0<1L£2<m

D¢ ham s6 dong bién trén khoang (0;1) thi {
Cich 2:
Ham s6 da cho dong bién trén khodng (0;1) < y' =x>—(m+2)x+2m=0 Vxe(0;1)
& (x=2)(x—m)>0 Vxe(0;1) <> x<m vxe(0:1).
Vay m>1.
Caud.  Tim cdc gid trj thuc ciia tham s6 m déham sé f(x)=x"+3x> =(m’ —3m+2)x+5 dong bién
trén khoang (0;2).
A l<m<2. B.m<l,m>2.  C.1<m<2. D.m<1, m>2.
Loi gidi
Chen C
Taco f'(x)=3x"+6x—(m" =3m+2)
f(x)=x"+3x" —(m* =3m+2)x+5 dong bién trén khoang (0;2)
& f(x)20, Vxe(0;2)
32 +6x—(m’ =3m+2)20 , Vxe(0;2).

o m?=3m+2<3x +6x , Vxe(0;2).
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o m —3m+2£1?&i21]1g(x), véi g(x)=3x>+6x.

Xét ham sd g(x)=3x2 +6x trén doan [0;2].
Taco: g'(x)=6x+6 va g'(x)=0x=-1¢(0;2).

Khi do: g(0)=0, g(2)=24 = ming(x)=0.

[0:2]
Vay: m* -3m+2<0&1<m<2.
Cau 5. Tap hop cic gia tri cia m dé ham s6 y=x’ —3(2m—3)x2 —72mx+12m* nghich bién trén
[—2;4] la
A. [2;5]. B. [2;+). C. [1;+). D. (—o0;3].
Loi giai
Chen C
Taco y' =3x"—6(2m—3)x—72m.
D¢ ham s6 nghich bién trén [-2;4] < »' <0 v6i Vx e[-2;4].
o’ —2(2m—3)x—24m <0 voi Vxe [—2;4].
= m(4x+24) > x” +6x v6i Vxe [—2;4].

m> x* +6x
C4x+24

=% Vi Vxe[-2;4].

=>mz21.
Cau 6. Tim tit ca cac gia thuc ctia tham s6 m sao cho ham s§ y = 2x* —3x* —6mx +m nghich bién
trén khoang (—1;1) .
A.mS—%. B.le. C.m=>2. D. m>0.
Loi gidi
Taco y =6x" —6x—6m.
Ham s6 nghich bién trén khoang (—1;1) khi va chi khi »' <0 véi Vxe(-1L1) hay m>x*—x
voi Vxe(-11).

Xét f(x)=x*—x trén khodng (=L;1) taco f'(x)=2x-1: f’(x)=0<:>x=%.

Béng bién thién
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Cau 7.

x| -1

/f
|

Tim tit ca cac gia trj thuc ctua tham sé m dé ham sd y =2x® + x> —mx +2m —1 nghich bién
trén doan [—l;l].

1
A.mS—g. B.m>——. C. m<8§.

I
3
\Y
(0 e]

Loi giai
Chen D

Taco: Yy =6x"+2x—m.

Ham s6 nghich bién trén doan [-1;1] khi va chi khi y' <0, Vxe[-1;1].
©6x’+2x—m<0, Vxe[-1;1] < 6x’+2x<m. Vxe[-1;1].

Xét ham g(x) = 6x> +2x trén doan [—1;1].

g'(x)=12x+2; g'(x)=0 @x:—é.

Béng bién thién:

X —1 —

g'(x) - *

g(x) \ /

Pé 6x° +2x<m, Vxe [—1;1] thi d6 thi ciia ham g(x) nam phia duéi duong thang y=m.

Tir bang bién thién ta c6 m>8.
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Cau8. Diéukién cua tham sé m dé ham s6 f(x) =2x’ +3x” + 6mx —1 nghich bién trén (0; 2) la
A.m<-6. B. m<-6. C.le. D. —6SmSl.
4 4
Loi giai
Chon A
Xéthamsd f(x)=2x"+3x>+6mx—1 trén R. f'(x)= 6(x2 +x+m)
Hams6 f(x) nghich bién trén (0;2) < f7(x)<0, Vxe(0;2) (f'(x)=0 tai hitu han diém)
oS X +x<-m, Vxe(O;Z).

Bang bién thién ctia ham s6 g(x)=x"+x trén (0;2)

X 4] 2
g'(x) +

2(x) /
0

g(x):x2+xs—m, Vxe(0;2)<:>6£—m<:>ms—6.

Cau 9. Tinh tong cac gia tri nguyén cua tham s6 m e [—50;50] sao cho bat phuong trinh

mx* —4x+m >0 nghiém ding v6i moi xe R.
A. 1272. B. 1. C. 1275. D. 0.

Loi giai
Chen A.

. 4x .. , .
Ta céd mx4—4x+m20<:>m(x4+1)24x<:>m2 " vol Vx e R . Do do, m>min

x'+1 xR x* 41
. ax o X l-x(4x’) x4
Xét ham f(x):x4+1 trén R.Taco f'(x)=4 (x4+1)2 =4.(x4+1)2
(\/§x2+1)(—\/§x2+1) o !
=4. (x4+1)2 ,dodof(x)=0<:>x=+%.

Béng bién thién
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When the student is ready , the teacher will appear.

Céu 10.

Cau 11.

o _ L L o0
) - : -
f() 0 %
~ Hy \
3 \
_E 0

Do do, m> —% ~——2,27,vi m nguyén nén suy ra m >—2. Do d6, tong bang
S=(=2)+(-1)+0+1+..+50=1272.
Tim tat cd céc gié tri thue cla tham s6 m sao cho ham sé y =x*—2(m—1)x* +m—2 dong

bién trén khoang (1; 3).

A. me(—0;-5). B. me(2;+). C. me[-52). D. me(—»;2].
Loi giai
Chon D
y’=4x3—4(m—1)x20 Vxe(1;3)<:>x2+12m ‘v’xe(l;3).
bat h(x)=x2+l voi xe(l;3), h'(x)=2x, h'(x)=0<:>x=0(l).
X 1 2
H (x) +
2
Vay m<2.
Bit phuong trinh x—_iz m ¢6 nghiém thudc doan [1;2] khi va chi khi
X+
A.mS%. B. m<0. C.m=>0. D.mZE.

Loi giai
Chon A

Ta dat y:x_—l ham sb xéac dinh va lién tuc trén R\{—l}, y’=%>0 Vxe]R\{—l},
x+1 (x+1)

ham s déng bién trén mdi khoang xac dinh nén déng bién trén doan [1;2] .

Bit phuong trinh c6 nghiém trén doan [1;2] khi va chi khi m <max y = y(Z) =% .
(1:2]
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Cau 12.

Cau 13.

Tap tat ca céc gia tri thyc cua tham s6 m dé ham sb y= mx—is+ 2x° déng bién trén khoang
X

(O;+oo) 1a

A. [_9;"'00)' B. (—00;— ) C. (—9;+oo). D. (—oo;—9],

Loi giai
7 ! 3 2
Taco: y'=m+—+6x".
x
D¢ ham s6 dong bién trén khoang (0;+00) thi y' >0, Vx e (0;+00).

m+i4+6x2 >0, Vxe(0;+0) < i4+6x2 >—m, Vxe(0;+00).
x x

bat g(x):%+6x2’ Vx €(0;+00). Ta co: g'(X)Z—L—z+l2x, Vxe(0;+0).

12 .
g'(x)=0=-—+12x=0=x=1. Ta c6 bang bién thién :

X
X 0 1 +o
f’(t) — 0 +

+o0 +a0

/(2 \9 /

Dua vao bang bién thién ta c6: —m <9 <> m =—9. Chon A.

Tim tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y =sin’ x—3cos” x—msin x—1 dong bién
. T
trén doan [O;E]

A. m<0. B. m<-3. C.m>0. D.m>-3.
Loi giai

Dit sinx=t,x E[O;%jl =te[0;1]

Xéthamso f(t)=1'+3t —mt -4

Taco f'(1)=3t"+61—m

Déham so f(¢) dong bién trén [0;1] can:

f'(1)=20  Vie[0l]<37 +6t—-m>0  Vie[0;1]< 3 +6t>m Vi e[0;1]

Xétham so g(t)=3¢"+6t
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g'(r)=6t+6
g(1)=0=1=-1

Béng bién thién

t 0 1
g'(1) *
9
ey
0

Nhin vao bang bién thién ta thdy v6i m <0 thi ham s6 f (t) dong bién trén [O;l] , ham s

f(x) dong bién trén doan [0;%} .

Cau 14. Cho ham s6 y =—2sin’ x+3sin” x + 6(2m - 1) sinx+2019. C6 tat ca bao nhiéu gia tri ciia tham
s0 m thudc khodng (—2016;2019) dé ham s6 nghich bién trén khoang (%37”) ?

A. 2019 B. 2017. C. 2021. D. 2018 .
Loi giai

y':[—6sin2x+6sinx+6(2m—1)}c05x.

Ta co Vxe(z;z):cosx<0.
22

Ham s nghich bién trén khoang [%,37”) <1y'<0, Vxe (%,37”) )

& —6sin’ x+6sinx+6(2m—1) >0, Vxe[%;%rj (1).

bat ¢ =sinx, ‘v’xe(%;%{j :>te(—l;l).

Diéu kién (1) tr¢o thanh tim m thoa man
—61* +61+6(2m—1)>0, Vi e(-1;1) & 2m—-12¢" —t, Vi e(-1;1)
Xét ham s6 nghich bién trén khoang f(t) =t~t, te (—1;1) .

Ta c6 bang bién thién
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Cau 15.

o] h_-.|._.

) -

HONE \ /

|
4

Yéu cau bai toan<> 2m—1>2 < m 2% ma m thudc khoang (—2016;2019) nén c6 2017 gia

tri thoa man.

Bét phuong trinh 4* — (m + 1) 2" + m >0 nghiém dung v&i moi x >0 . Tap tat ca cac gi tri ciia

m la
A. (—o0312). B. (—0;-1]. C. (-;0]. D. (-1;16].
Loi gii

Chon B

4" —(m+1)2" +m =0, Vx>0.

o (27) ~2(m+1)2" +m20. vx=0 (1).

bat 1=2",(1>0).

(1) tr¢ thanh £ =2(m+1)t+m =0, V=1 (2).
2

=2t
) m< , Vi>1 (3).
(2) Y| 3)

2
Xét ham s6 yzf(t)ztz_zlt .Tacohamsb y= f(¢) lién tyc trén [1;+0).

()= (2t—2)(2t—1)—22(f2—2l) _ 2t2—2t-i;2 50, Vi1,
(2t-1) (2t-1)

Suy ra ham s6 f(t) dong bién trén [1;+oo) :>f(t) Zf(l) =—1,Ve>1.

Do dé (3) @ms[rlr_lirl)f(t)@ms—l.
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Cau 16.

Cau 17.

Tim tat ca cac gia tri nguyén duong ciia tham s6 m dé bat phuong trinh x+3> mm co
nghiém trén (0; +oo).
A. 1. B. 2. C.3 D. 4.

Loi giai

, x+3
Tacox+3>mix’ +1 =

Vxt +1

Ve rl-— 2 (x+3
3t e

X2 +1 x*+1 (x2+1).2\/x2+1'

>m.

bat f(x)=

f'(x):0:>x=%.

:>maxf(x)=ﬁkhix=% =J10>m.
m nguyén duong nén :>me{0;1;2;3}.

Cho bt phwong trinh m1=x +12J1=x* 216x+3m/1+x +2m+15. C6 tht ca bao nhiéu gia
trj nguyén cta tham sb m e [—9;9] dé bt phuong trinh nghiém dung véi moi x €[—1;1].
A. 4. B. 5. C.8. D. 10.
Loi giai
Chon B

Ta c6: mil—x +1231-x? 216x +3m1+x +2m+15
@16x—12ﬁ+15—m[\/ﬂ—3M}+2m30 (1)
Pat r=1-x-31+x.

0-3VI+1 <1—x =31+ x < J1-(-1) =3/1-1.

Vay te [—3\/5;\/5] .

Khi do: £* =8x—631-x" +10.

Vay YCBT < f(f)=2t* —mt +2m—5<0, ‘v’te[—3\/5;\/§].
f(V2)=(2-42)m-1<0 3

< S m<

/(-3v2)=(2+3v2)m+31<0 2+32

<-4,9.

Vay m e {-9;-8;~7;—6;-5} .
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Céu 18. Tim tap hop cac gia tri thuc cta tham sé m dé ham sd y =+/x* +1—mx—1 dong bién trén
khoang (—oo;+oo).
A. [1;+00). B. (—o0;—1]. C. [-L1]. D. (—o0;1).

Loi giai

Taco: y'= T m
x”+1
D¢ ham s6 dong bién trén (—oo;+00) khi )’ >0 hay m < , VxeR
x +1
. X 1
Xéthamso g(x)= taco: g'(x)=—————=——=>0, VxeR
X’ +1 (x2+1)\/x2+1
Béng bién thién
X |- +C
g (x) ~
o 1
g(x) —
-1

Do d6 dé ham sb dong bién trén R khi m < -1.

Cau 19. Tim tat ca cac gia tri thuc ctia tham sé m sao cho moi nghiém cua bat phuong trinh:

x> =3x+2<0 ciing 1a nghiém cta bat phuong trinh mx” +(m+1)x+m+1>07?
4 4
A m<——. B.mZ—;. C.mz-1. D. m<-1.
Loi gidi

Bat phuong trinh x> —3x+2<0 < 1<x<2.

. -x-2
Bat phuong trinh mx* +(m+1)x+m+1>0 <:>m(x2+x+1)2—x—2©m22x—
X +x+1
. —x-2 X +4x+1
Xétham s6 f(x) = ———2 voi 1£x<2 . Co f1(x) =20 5 0,Vxe[1;2
J&) X +x+1 S (x> +x+1) [1:2]

~ A Ly 4
Yéu cau bai todn < m Zrﬁ%?f(x) om 2—7
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Ciu 20. Tim tit ca cac gia tri thuc ciia m dé bat phuong trinh
(xz—1)(x—1)x3+(x2—x)2(2—m)+(x2—1)(x—1)20,‘v’xeR
A.m<2. B.mﬁ—i. C. m<1. D. m<6.

Loi giai
Chon A
Ta co: (x2—1)(x—1)x3+(x2+x)2(2—m) (x —1)(x 1)20
2

c>(x—1)(x+l)(x—l)x3+|:x(x+1):| (2—m) ( )( )( )
@(x—l)z(x+1)x3+x2(x—1)2(2—m)+(x 1) (x+1)>0 ( )
+Nhan xét x=0 va x =1 la nghiém cuia bat phuong trinh (1).

+Khi x#0,x=1.

4 3
(l)<:>(x+1)x3+x2(2—m)+x+120<:>m£2+x+x—2+x+1
X
2 2
De_“1tt=2+x_‘_x—;)w1 2+x+1+L+2 [x+lj +(x+lj=(x+l+lj _1
X x X X X x 2 4

x+122:>t26
, X
Ta co:

x+l£—2:t22
X

VayGTNNcia ¢t la 2 << x=1.
Theo YCBT tacO < m<2.

Ta c6 hinh v& d6 thi y = f’(x) va duong thing y =x nhu trén.

Do d6 ra c6 bang bién thién
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X 0 1 2
g'(x) 0 + 0 0
¢(x) -3
/ \
£(0) f(2)-2

A 5 . 1
Tur bang bién thién suy ra yéu cau bai toan < f(l) > <m.
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D. BAI TAP REN LUYEN

Caul. Timtap hop tat ca cac gia tri thuc cua tham s6 m dé ham sd y=x —6x"+mx+1 déng bién
trén khoang (0;+0).
A. [3;400). B. [48;+0). C. [36;+). D. [12;+).
Loi gidi
Taco: y' =3x"—12x+m.
Dé ham s6 dong bién trén khoang (0;+40) thi »'=3x—12x+m 20, Vxe(0;+0).
Suy ra m>-3x" +12x, Vx e (0;+x).
Xét g(x)=-3x"+12x trén (0;+00).
g'(x)=—6x+12.

g'(x)=0 & —6x+12=0 < x=2.

Bang bién thién:
x —a0 0 2 +a0
g(x) + 0 -
12
0 —on

Do do: g}a)%g(x)zu =>m Z%a)c)g(x)=12.

Cau2. (€6 bao nhiéu gia tri nguyén duong ctia tham sé m dé ham sd
y=x'=3(m+1)x’+(6m+5)x—1 dong bién trén (2;+0)?
A. 2. B. 1. C.0. D. 3.
Loi giai
Tacod y' =3x" —6(m+1)x+6m+5.

Ham s6 dong bién trén (2;+00) khi 3" =3x*—6(m+1)x+6m+5>0 Vxe(2;+0).

2
< 3% —6x+526m(x—1) @msw=f(x).
6x—6
2
Ta co: f'(x)=w>0 Vx € (2;+0).
(6x—6)
BBT
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Cau 3.

X 2 +0

0 +

/

f(x)

5
6

5 o
Vay m < 6 nén khong c6 gia tri nguyén duong nao ciia m thoa ycbt.

Tim tit ca cac gia trj thuc cta tham sé m dé ham s6 y = x* + (1-2m)x* + (2—m)x+m+2 dong

bién trén (0;400) 2

A. mS—g.
4

B. m< C.mZ—%. D. m=—.

Al
N

Loi giai

Ham sé ¢6 tap xac dinh 1a D=R.

Taco: y' =3x> +2(1-2m)x+2-m.

Ham sb dong bién trén (O; +oo) khi va chi khi y">0, Vxe (0;+oo) va y"=0c6 nghiém hiru

han trong (O; +oo) .

Lic d6, bai toan tré thanh tim m dé 3x* +2(1-2m)x+2-m>0,Vx e (0;+0) (¥).

Cach 1:

str dung dau tam thirc.

A'<0

(*) = {A’>0

, VGi x,,x, 12 nghiém cua phuong trinh y'=0.

Vx,,x, & (0;+00)

A'<0
< [A'>0 =
X <x,<0

—ISmSé
Am? —m—-5<0 !
- 5 = m<—1
(1—2m) —3(2—m)£0 5
) 4m* —m—-5>0 m>—
(1—2m) —3(2—m)>0 4 5
el 2(1-2m) < om< =,
X +x,<0 3 < m<l 4
x>0 2
L i 2—m20 m<2
L 3
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Cach 2:

str dung phuong phap d6 thi (co lap tham sé m).

(*) < 3x* +2x—4mx+2—m > 0,Vx € (0;+0)
< m(4x+1) <3x° +2x+2,Vx € (0;+0)

< 3x2+2x+2 _

oS m< Aal g(x),Vx e(0;+0)

< m<Ming(x).

Vxe[();Jroo)
A 2 1% 2 1as . A . . e £ 3x° +2x 42
bén day la chuyén bai toan vé dang tim GTNN cta ham s6 g(x) = ﬁ,‘v’x € [O; +oo) .
X

12671656 x=lefre)

=g (x)=————=0|
(4x+1) x=56[0;+oo)
Béng bién thién:
X 0 1 +00
2
e

e 5
Dua vao bang bién thién: m < 1

Toém lai, chon dap an B.

Cau4. Tim tit ca cac gia tri m déhamsd y=x’ —3x> + mx+2 tang trén khoang (1;+ oo) :

A. m<3. B. m<3. C.m=23. D. m=#3.
Loi giai

Dao ham : y'=3x" —6x+m

YCBT < y'20,Vxe(l;+0).

& 3x"—6x+m=0,Vx e(L;+0) < m>-3x"+6x,Vxe(l;+0)

Xéthamso: f(x)==-3x+6x,Vxe(l;+0)= f'(x)=-6x+6= f'(x)=0cx=1.

lim f(x)=—0, f(1)=3.Dodo: m> f(x),xe(l;+x0)=>m=>3.

X—>+0
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Cau 5.

Cau 6.

Tap hop tat ca cic gia tri ciia tham sdm dé ham s6 y = x° —mx* — (m - 6) x+1 dong bién trén
khoang (0;4) la:
A. (—0;3]. B. [3;6]. C. (—o;6]. D. (—0;3).
Loi giai
Chon A

y'=3x" =2mx—(m—6). D& ham s6 dong bién trén khoang (0;4)thi: p' >0, Vx (0;4).

3x2+6

tirc 12 3x* =2mx—(m—6) >0 Vx e(0;4) < >mVx e (0;4)
2x+1
2
Xétham s6 g(x)= 32);:16 trén (0;4).
6> +6x—12 x=1€(0;4)
"(x)=—=, ¢ (x)=0
£() (2x+1) £'(x) x=-2¢(0;4)
Ta c6 bang bién thién:
1 0 1 4
) N
6 5)4
13
9(@) \ /
3
2
Vay dé g(x)=32xx:162m Vxe(0;4)thi m<3.

Tap hop tat ca cac gi tri thuc cua tham s6 m dé ham sé y=x* +3x* + (m —1)x+ 4m dong
bién trén khoang (-1;1) 1a

A.m>4. B.m>4. C. m<-8. D. m<8.
Loi giai

Chon B

Tacd y' =3x"+6x+m—1.

Ham s6 dong bién trén khoang (—1;1) khi va chi khi: »'>0, Vxe(-1;1).

Hay 3x* +6x+m—1>0, Vxe(-L;1) & m=>-3x"—6x+1=g(x). Vxe(-1;1)

oS m> V}r{g(a}fl)g(x).
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Do g'(x)=—6x—6=0 < x=-1va g'(x)<0, Vxe(-1;1) nén g(x) nghich bién trén

(-1;1). Suy ta mzv)rgne(a_lﬁ)g(x) o m2g(-1)om24.

Cau7. Hamso y =%x3 —(m-1)x +3(m—2)x+§ dong bién trén (2;+00) thi m thudc tap nao sau

day:

A. me(2+2\/g;+oo}. B. me(—oo;%j.

Taco y' =mx’—2(m—1)x+3(m-2).

Ham s6 dong bién trén (2;+00) <) 20 Vxe(2;+x).
o mx’ =2(m-1)x+3(m-2)>0 Vxe(2;+x).

e m(x’ —2x+3)26-2x Vxe(2;+).

@mzf_i Vxe(2;+0).
x°—2x+3

6—2x
S mzmax———— .
[2i+0) x* —2x +3

6—2x
bat g(x)=———— . Taditim max g(x).
’ g( ) x*=2x+3 [2;+°°>g( )
2x* —12x+6

Taco g'(x)= (x2 _2x+3)2 :

x=3—\/ge(2;+oo)

g (x)=02x"-12x+6=0< .
(x) Lc=3+\/ge(2;+oo)

Bang bién thién cta g(x) trén khodng (2;+):

z | = 2 3+.J6 +o
77777 - A

= 0
y 3

g(ﬂ/
< NS x 2 2
Dua vao bang bién thién ta thay [Iglax)g (x) = 3 Sm2> 3
;400
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Cau 8.

Cau 9.

(Chuyén Thai Nguyén - 2018 - BTN) C6 bao nhiéu gia tri nguyén ctia tham sb m

(m € [—2018;2018]) dé hamsd y = x> (m —x) —m ddng bién trén (1;2)?

A. 2020. B. 2016 . C. 2018. D. 2014.
Loi giai

Tacd y'=-3x"+2mx = x(2m—3x).

Dé ham s6 dong bién trén (152) thi y' 20Vxe(1;2).
Khi d6 2m—3x>0Vxe(1;2) <:>37x£2mVxe(l;2).

Dodo m=3.

Vay 3<m <2018 hay c6 2016 s6 nguyén thoa man.

C6 bao nhiéu gia tri nguyén duong cua tham sb thuc m nhé hon 2020 dé ham sb
1 \ .
y= —§x3 +(m —1)x2 +(m +3)x—10 dong bién trén khoang (0;3) :

A. 2020. B. 2018. C. 2019. D. V6 sd.
Loi giai

Chon B
Ta co y:—%x3+(m—1)x2 +(m+3)x—10 :>y'=—x2+2(m—l)x+(m+3).

Nhan thdy ' 1a tam thirc bac hai c6 hé s6 bac hai a=—-1 nén ' ¢6 tdi da 2 nghiém.

Do d6 ham sb da cho dong bién trén khoang (0;3) khi va chi khi y' >0, Vx&(0;3)

2
<:)—x2+2(m—1)x+(m+3)20, Vxe(0;3) @mz%, ‘v’xe(O;3).
X+
sk _x2+2x—3 . \ ]
Xét ham so g(x)—ﬁ trén khoang (0,3).
:2x2+2x+8

Co g'(x) >0, ‘v’xe(O;3)

(2x+1)’
Do d6 ham s g(x) luén dong bién trén khoang (0;3) = g(x) < g(3) = % , Vxe (0;3)

Suy ra m>g(x), Vxe(0;3) @ng. Vi 0<m<2020 va meZ nén me{2;3;..;2019} .

Vay c6 2018 gia tri m thoa man yéu cau bai toan.
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Cau 10. Tap hop tat ca cac gia tri thuc cua tham s6 m d€ hamsd y = —3 X’ + x> +mx—2019 nghich

bién trén khoang (O;+oo) la
A.m<—1. B. m<-1. C.m>-1. D. m<1.
Loi giai

Chon A

Tap xac dinh: D=R.

Taco: y' =—x>+2x+m.

Ham s6 da cho nghich bién trén khoang (O;+oo) <y <0, Vxe(0;+oo)
&> +2x+m<0, Vxe(0;+oo) oSm<xt-2x, Vxe(0;+oo).

Xeét h(x)=x2 —2x trén khoang (0;+oo).

Ta co h’(x)=2x—2, h’(x)=0©x:1.

Béng bién thién

Do d6 m<x®-2x, Vxe(0;+0) < m< min (x2—2x)<:>m£—1.
(0;400)
Chon A.
3

A \ AL o g g , A \ A X
Cau 11. Tim tat ca cac gia tri thuc cua tham so m sao cho hamso y = f(x) = +7mx’ +14x—m+2

giam trén nira khoang [1;+0) ?

A. —2;—E . B. —E;-‘FOO . C. —oo;—ﬂj. D. (—oo;—& .
15 15 15 15

Loi giai
Chen D

Tap xac dinh D=R, yéu cau cta bai toan dua dén giai bat phuong trinh

-14
mx” +14mx +14<0,Vx 21, tuong duong v6i g(x)=————2=m (1)
X

+14x
X 1 , Ca s . 14
D¢ dang c6 duge g(x) la ham tang Vx e [1;+oo) » suy ra min gx)=g()= 5

Két luan: (1)<:>m>ilng(x) >me —%2 m
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Cau 12.

Cau 13.

Cau 14.

Tim tap hop tit ca cac giac tri thuc cua tham s6 m dé ham sé y = x* + mx® — x+m nghich bién

trén khoang (1; 2) .

A. [-1;+). B. (—oo;—%l}. C. [—oo;—lé‘—l). D. (—o0;-1).

Taco y'=3x"+2mx—1. Yedb < y'<0,Vxe(1;2) < mﬁ—%x+2i:f(x),‘v’xe(l;2).
x
f’(x)=—§—i<0 Vxe(L;2). YCBT.m
2 27 7 ’

Tim m dé ham s6 y=—x"+3x" +3mx+m—1 nghich bién trén (0; +oo) .

A.m>-1. B. m<-1. C. m<1. D. m<1.
Loi giai

Ta co y'=—3x2+6x+3m=3(—x2+2x+m).

Vi ham s6 lién tuc trén nita khoang [0;+00) nén ham s nghich bién trén (0;+o) ciing twong

duong ham s6 nghich trén [0;+0) khi chi khi )" <0, Vx [0, +).

& —x’+2x+m<0 Vxe[0;+0) & m<x’ —2x = f(x) Vxe[0;+x)

<:>m£minf(x)=f(l)=—l

[0:+00)

C6 bao nhiéu gia tri nguyén khong 4m cta tham sé m dé ham sé y = x* —2mx* —3m+1 dong
bién trén (1;2) ?
Al B. 2. C.3. D. 4.

Loi giai

Chon B

Ham sd ¢6 tap xac dinh la D=R.

Taco: y =4x’ —4mx.

Ham s6 dong bién trén (1;2) khi va chikhi y'>0, Vxe(1;2) va »'=0 c6 nghiém hiru han
trong (1;2).

Lac do, bai toan tré thanh tim m dé 4x® —4mx >0,Vx e (l; 2) (*) .

Cach 1:

(*) = 4)c(x2 —m) >0,Vxe(1;2).
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Néu m =0 thi (*) < 4x’ 20,Vxe(1;2) thoa.

Néu m <0 thi (*) < 4x(x* =m)20,Vxe(1;2) thoa,
Néu m >0 thi (*) < 4x(x—m ) (x+/m ) 20,vx € (1;2) thoa khi m <1 0<m<1.

Két hop céc trudng hop ta nhan dugc m <1. Chon dap an A.
Cach 2:

(*)c>4mx§4x3,‘v’xe(l;2) om<x? =g(x),Vxe(l;2) & m<Ming(x)=1.

Vxe[l;Z]

Chon déap an A.

Cau 15. Tat ca cic gia tri thuc cua tham sd m sao cho ham s§ y = —x* +(2m —3)x* + m nghich bién

trén khoang (1;2) la (—oo;g} , trong d6 phan s6 LS gian va ¢ > 0. Hoi tong p+gq 1a?
q q
A. 7. B. 3. C.5. D. 9.
Loi gidi

Tap xac dinh D=R.Taco y'=—4x’ +2(2m—3)x.
Ham s6 nghich bién trén (1;2) < ' <0,Vx e (1;2) & m < x* +% =g(x),Vxe(1;2).

Lap bang bién thién cia g(x)trén (1;2). g'(x)=2x=0<x=0

Béng bién thién

x| 1 2
g + 0
11

oq

SR

A : . 5
Dua vao bang bién thién, két luan: m <min g(x) < m < 5 Vay p+q=5+2=7.
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Céau 16. C6 bao nhiéu gia tri nguyén 4m cua tham sé m dé hamsd y =—x’ —mx+ ™ nghich bién
X
trén khoang (0;+00) ?
A. 1. B. 4. C. 3. D.O.

Loi giai
Chen C

3 3
Ta co: y'=—3x2—m—4—xS£O, Vxe(0;+oo) <:>m2—3x2—4—xszg(x), Vx>0.

Xét g'(X)=—6x+%=0 < x=1€(0;+m) :{g}%g(x):g(l):_lj.

1 . .
Vay voi m = —15 thi ham s6 nghich bién trén khoang (0;+oo) =>me {—3;—2;—1} .

Céiu 17. Tim s thuc m 16n nhit dé bt phuong trinh sau nghiém ding voi moi x e R :
m (|sin x|+ |cos x| + 1) < |sin 2x| + [sin x| +|cos x| - 2018.

A. —%. B. -2018. C. —%. D. -2017.

Loi gidi

Dit ¢ =|sinx|+|cos x| > sin* x+cos’ x =1=>1>1 va £* =1+|sin2x|£2:>t£\/§.

Suy ra te[l;\/i].

2 —_—
BPT e m(r+1)<r —141-2018 & m< 22000, 2019
t+1 t+1

. 2019 2019
Xét ha 0 =t——— trén | ;2 |. Taco f'(t)=1+——>0,V 1;v2 .
¢thamso f(¢)=t o ren[,f] aco f'(t) +(t+1)2> , te[’\/’]

Suy ra f(t) ddng bién trén [1;&].

2017
Do d6 m< f(t), Vte| ;N2 <min f(t)= f(1)=-"—"=.
0do m< f(1), G[,\/_]<:>m E}lj%f() 7(1) 5
Ciau 18. Ham sé y=2mx+sinx dong bién trén tap s6 thuc khi va chi khi gia tri ciia m 1a
A m>—L, B. meR. c.m>1 D. Zem<l,
2 2 2 2

Loi gidi
Chon C

y'=2m+cosx

Ham s6 dong bién trén tap so thuc

& y'20VxeR < 2m+cosx >0 VxeR@mZ—%cosx ‘v’xeR@mZ%
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Céau 19. Tim tit ca cic gia tri thyc cta tham s6 m dé do thi ham sb y =sin x +cos x + mx dong bién trén
R.

A. — 2<m<«/§. B.mZ\/E. C. - ZSmS\/E. D.mS—x/E.
Loi giai

Taco: y =sinx+cosx+mx
y'=cosx—sinx+m

Ham sb ddng bién trén Ry >0,VxeR < m>sinx—cosx, Vx e R.

<:>m2mﬂgxgo(x), voi @(x)=sinx—cosx.
Ta co: @(x)=sinx—cosx = 2sin(x—%)S\/§.

Do do: mRaxqo(x):\/E. Tur d6 suy ra m = +/2.

Céiu 20. Tim tit ca cac gia tri thuc cia tham sé m dé ham sé y =2sinx—3cosx+mx dong bién trén
R.
A. me(—oo;—\/ﬁ] B. me(—oo;\/ﬁ]. C. me[\/ﬁﬁoo). D. me[—\/ﬁﬁoo).
Loi giai
Chon C

Taco: y'=2cosx+3sinx+m.

Dé ham s6 di cho dong bién trén R thi 3 >0 VxeR <> 2cosx+3sinx+m>0 VxeR
< -m< 2cosx+3sinx VxeR.

Xét biéu thitc P =2cos x+3sinx ta thiy:

P? =(2cosx+3sinx)2 S(4+9)(coszx+sin2 x)=l3:>— 13 SPSx/E.

Viy dé —m < 2cosx+3sinx VxeR thi —m<—13m=13.

Ciu 21. C6 bao nhiéu gia tri nguyén cia m dé hamsd y =3x+ m(sinx +cosx+ m) dong bién trén R
?
A. 3. B. V6 sb. C. 4. D. 5.
Loi giai

Tacé y'=3+m.(cosx—sinx) =3—\/§.m.sin(x—%j.
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Luyén mii thanh tai- miét mai tit gioi.

Cau 22.

Ham s y=3x+m.(sinx+cosx+m) ddng bién trén R
<:>y'=3—x/§.m.sin[x—%j20,‘v’xe]l% @x/i.m.sin[x—%jSLVxe]R

@mﬂgx{ﬁ.m.sin(x—%ﬂs3 <:>\/§|m|s3 @—igmgi‘

Do m nguyén nén me{-2;-1;0;1;2} .

Vay c6 5 gia tri cua m thoa man yéu cau bai toan.

) ‘A A A A A \ A 1 A < A A
C6 bao nhiéu s06 nguyén am m de¢ ham so y = gcosz X —4c0tx—(m +1)cosx dong bién trén

khoang (0;7[) ?
A.3. B.2. C. v6 sb. D. 5.
Loi giai

-Taco: Y =—cos’ x.sinx + +m.sinx.

——+(m+1).sinx =sin’ x +—;
sin” x sin® x

- Ham s6 dong bién trén (0;7) khi va chi khi y'>0, Vxe(0;7)

2D1-BT35:Giéi BPT chita tham sb.

& sin’ x+———+m.sinx >0, Vxe(0;7)
sin® x
o sin’ x+——>-m, Vxe(0;7) (1).
sin’ x
- Xét ham sd: g(x)=sin’ x+——, trén (0;7).
sin’ x
, . 12cosx ) sin’ x—6
C6 g'(x)=2sinx.cos x —————— =2cosx.| sinx——— | =2cos x.———
sin® x sin” x sin® x
, 7
:>g(x):0<:>x:5 e(O;;r).
Béng bién thién:
x |0 T T
2
V' - 0 +
+ +x
v

-Do do: (1)< -m< n(q()i_n)g(x)@—mSSQmZ—S.
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2D1-BT35:Gii BPT chira tham sb. When the student is ready , the teacher will appear.

- Lai do m nguyén am nén m € {—5;—4; —3;—2;—1} . Vay ¢ 5 s6 nguyén am.

Cau 23. C6 bao nhiéu gié tri nguyén ctia tham s6 m thudc khoang (~2019;2019) dé ham sé
y =sin’ x—3cos’ x —msin x—1 dong bién trén doan [O;%} .

A. 2028. B. 2018. C. 2020. D. 2019.
Loi giai

y=sin’ x—3cos’ x—msinx—1 < y =sin’ x+3sin* x—msinx—4.

y’=(3sin2x+65inx—m)cosx.

Ham sb ddng bién trén doan [o;ﬂ khi va chi khi
\ A 1:a o T ‘13 A 4} . & ~ Va
ham so0 lién tuc trén {O;E} vaham s6 dong bién trén (O;E].

’ T .2 . T
<y 20, ‘v’xe(o;zj < 3sin” x+6sinx—m=>0 | Vxe(o;zj.
& 3sin’ x+6sinx = m, ‘v’xe[O;%j (1).

bat t=sinx, xe(O;%j :>te(0;1).

Xét ham s f(t) =3¢ +6¢ trén (0;1) ta c6 bang bién thién sau

t |0 1
f(2) +
6
£(t) /
0

Dua vao bang bién thién ta c6 (1) xdy ra khi va chi khi m <0.

Suy ra c6 2019 gia tri nguyén cua m thudc khoang (—2019;2019) thoa man dé bai.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT35:Giéi BPT chita tham sb.

Cau 24.

Cau 25.

Tim m dé hamsd y :m——s21nx nghich bién trén khoang (O;EJ.
cos” x 6
5
A.m<2. B.mSZ. C. m<0. D.m=>1.

Loi giai
Chen B

, m—sinx sinx—m
Taco y= =

== .Détt=sinx,vixe(0;£j nénte(o;l .
cos” x sin“ x—1 6 2

\ £ . A X ~ T a e, o X \ 21y J
Vi ham s6 y =sinx dong bién trén (O;g] nén bai todn tré thanh: Tim m dé ham so

t—m . 1
=—— nghich bién trén | 0;— |.
Ye o e ( 2)

—t* +2mt -1

(1)

Ham sb di cho nghich bién trén (O;%) < y'<0,Vte (O'

Taco y' =

N | —

b

J

& -1 +2mt-1<0,Vt € (o;lJ (do (7 -1) >0,vie (o;lD
2 2

2
! +1,‘v’te(0;l)
2t 2

2

< m<

2

+1 1 t - . .2 1
trén | 0;— |, taco f'(¢)= . Suy ra hs nghich bién trén | 0;— |.
2t ( 2) (1) 21 Y ¢ ( 2)

Xéthamsé f(t)= !

>

Vay m<min f(¢) =
0. 4

2

C6 bao nhiéu gid tri nguyén ciia m thudc doan [-2018;2018] dé ham sé

_ cot’ x—2mcotx+2m* —1

nghich bién trén | Z;Z |
cotx—m 42

A. 0. B. 2020. C. 2019. D. 2018 .
Loi gidi

it t=cotx. Vi xe(%;%) nén re(0;1).

2 =2mt+2m* -1
t—m

Khi d6 bai todn tré thanh tim gid tri cua m dé y = dong bién trén (0;1).
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2D1-BT35:Gii BPT chira tham sb. When the student is ready , the teacher will appear.

Téap xac dinh D = R\{m} )

., P -2mt+1
Tacod y'=————
(t=m)

Ham s6 dong bién trén (0;1) khi va chi khi y'>0,Vr e (0;1)

{t2—2mt+120 Lilsy (1)
- | =12
m & (0;1) m<0 hoac m>1 (2)

Xét ham sb f(t) =é+% trén khoang (0;1) .

2
Taco f'(t)Z%—zitz=%.Cho f'(f)=0<:>f2—1=0<:>t=il.

Bang bién thién

t 0 1
/(1) -
f(t) H-00 1

Tu (1)< m<1 (3).

Tu (2) va (3):>m£0 hoac m=1.
Ma m nguyén va me [—2018;2018] nén c6 2020 gia tri théa man.

Céiu 26. C6 bao nhiéu gia tri nguyén dwong ciia tham s6 m dé bit phuong trinh
9" -4.6" +(m + 1)4" <0 c6 nghiém?
A. v s0. B. 6. C. 4 D. 3.
Loi giai
Chon D

2x X
Taco: 9" —4.6"+(m+1)4" <0 @Gj —4.(3 +m+1<0

bit t:(%) ,t>0.Taduoc * —4t+m+1<0, t>0= > —4t<-m—1v6i t>0

Xétham s6 y=1>—4t, t>0
V'=2t-4,y=01t=2

BBT
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT35:Giéi BPT chita tham sb.

Cau 27.

Cau 28.

¢ 0 2 +x
v - 0 +

¥ D““-u-_.,_q_* . / +a

Dé bat phuong trinh c6 nghiém khi min y<-m-1< -4<-m-1<0<m<3

voi meZ=me{l;2;3}

Cho bét phuong trinh 8" 3.2 +9.2"+m—5>0 (1). C6 tat cd bao nhiéu gid tri nguyén
duong cua tham s6 m dé bat phuong trinh (l) nghiém diung vdi moi x € [l; 2] ?

A. V5 sb. B. 4. C.5. D. 6.
Loi giai

Chon A
Dit ¢ =2 dugc bat phuong trinh £ —6.£> +9t+m-5>0 (2).
(1) nghiém dung v&i moi x €[1;2] khi va chi khi (2) nghiém dung véi moi ¢ €[2;4]

&£ =61 +91>5-m,Vte[24] < min(f -6 +91)>5-m.
[2:4]

Xéthamsod f(t)=1'—6.>+91 trén [2;4].

t=1

Ta ¢6 f’(t)=3t2—12t+9;f’(t)=0<:>[t_3

f(2)=2:1(3)=0.1(4)=4 :[gﬁin(ﬁ—at? +9.4)=0=0>5-me>m>5.

Cho ham sd y = f(x) =x++/1-x* . Tim tit ca cac gia tri thuc cua tham sb m thoa man
f(x)<m véimoi xe[-1;1].

A.m<\/§. B. m<0. C.m=\/§. D.mZ\/E.
Loi giai

Hams6 y=f(x)= x++/1-x" xéc dinh va lién tuc trén doan [-1;1].

x V1-x7 —x x>0 1
"(x)=1- = Cf(x)=0oWl-x'—x=0& SSx=—F.
f (x) \/1—)62 \/l—xz f (x) = X X {l_xz =52 X \/5

Ta ¢6 f[%)=\/§; f(=D)=-1va f(1)=1.
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2D1-BT35:Gii BPT chira tham sb. When the student is ready , the teacher will appear.

1
Suy ra 1[1_133]<f(x)=\/5 khi = v min £ (x) =~1 khi x=-1.

Do do, f(x)<m v&imoi x e[-1; 1] khi va chi khi er[r_%f(x) < m>2.

Cau29. Tim m débit phuong trinh x+2/(2-x)(2x+2) > m+4(v2—x +2x+2) c6 nghiém?

A. m<-8. B. m<—1-43 . C.m<—7. D. 8<m<-7.
Loi giai.

Chon C
eDiéu kién: x e[-1;2].
Xéthams6 g(x)=+2-x+v2x+2 trén doan [-1;2].

1 1
= — —+ 5
2J2—x 2x+2

g(-1)=+3. g(1)=3 . g(2)=+6.

Suy ra ?}ﬁzz)]cg(x):& nga]g(x)zx/g

Co g'(x) g'(x)=0=x=1.

Dt t=\2-x+2x+2, t[\3;3] = £ =x+4+2/(2-x)(2x+2).

Bat phuong trinh da cho tro thanh: £* —4>m+4t < t*—4t—-4>m .

Xét ham sé f(¢)=1>—4t—4 trén doan [\/5;3]

Co f'(t)=2t-4, ['(t)=0 <=2,

f(V3)=-43-1, f(2)=-8. f(3)=-7.

Suy ra fnﬁcgﬁf(t) =-7.

Dé bét phuong trinh di cho c6 nghiém thi m < f%l;ﬁ f (t) hay m<-T7.

Vay m<-T.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT35:Giéi BPT chita tham sb.

Cau 30. SO gia tri nguyén ctia tham s6 m e [—10;10] dé bat phuong

V3+x+46—x—~18+3x—x" <m’ —m+1 nghiém dung ‘v’xe[—3;6].
A. 28. B. 20. C. 4. D. 19.
Loi giai

Chon D

m+m-mgm2—m+l (1) nghiém diang ‘v’xe[—3;6].
pit t=3+x+J6-x, xe[-3;6].

1 1 Jo—x—B+x

=t'= - = .
23+x 246-x 2/3+x~6-x

t’:0<:>6—x:3+x<:>x:%.

Béng bién thién:

X -3

b | e

=
I

[ £

3 / 32 \3

3
= te[3;3\/§].

2_
Taco 2 =3+x46-x+218+3x—x> =9+ 218+ 3x— x> = 18+ 3x—x =~ : 9

Bét phuong trinh (1) nghiém ding Vx e [—3;6]

2

o f(t)=t- <m’-m+1 nghiém ding Vte[3;3\/§]

= mz—m+12[1;1;133>§<]f(t) (2)

2
Xét ham sb f(t)zt—%, te[3;3\/§]
:f’(t):l—%-ztzl—mo ‘v’te[3;3\/§]

= f(¢) nghich bién trén [3;32 .

3?-9
2

:>maxf(t)=f(3)=3— 3.

[3342]
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2D1-BT35:Gisi BPT chira tham sb. When the student is ready , the teacher will appear.

mz=2

Khido (2) & m’-m+123 < :
m<—1

meZ

Keét hop voi di€u kién bai toan: m nguyén va me[—lO;lO] = {m e[—lO;—l]u[2;10]'

Vay ¢ 19 gia tri nguyén ctia m théa man yéu cau bai toan.
Nhan xét: Trén tinh than thi tric nghiém, hoc sinh hoan toan c6 thé st dung tinh ning TABLE

clia may tinh cAm tay dé tim r[gaéf(x)=3 voi f(x)=3+x+36—x—+18+3x—x* . Tir dé

dwa bai toan vé dang giai bat phuong trinh bac hai co ban: m? —m+1>3 mét cach dé dang.

Cau 31. Cho f(x) ma ham s y = f'(x) c6 bang bién thién nhu hinh v& bén. T4t ca cac gia tri cia

. L 1
tham s6 m dé bat phuong trinh m+x” < f(x) +§x3 nghi¢m ding véi moi x € (0;3) la

z [ =1 1 3
f’(-T) /3 \
1 2
A. m< f(0). B. m< f(0). C.m< f(3). D.m<f(1)—§.

Loi gidi

3

Taco: m+x* <f(x)+§x <:>m<f(x)+%x3—x2.

Xét ham s6 g(x) =f(x)+%x3 —x" trén [0;3] , €0 g'(x) = f'(x)+x2 —2x.
g'(x)20c1>f'(x)22x—x2 Vxe[0;3].

Theo bang bién thién f'(x) >1, Vx e [0;3] , ma 2x—x*<L,VxeR
= f'(x) >2x—x",Vxe [0;3] nén ta co bang bién thién cia g(x) trén [0;3] :

z |0 3

" / 13)

£(0)

Tir bang bién thién ta c6 m < g(x),Vx € (0;3) &Sm< f(O)
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT35:Giéi BPT chita tham sb.

Ciau 32. Cho hams6 y = f1 (x) ¢6 bang bién thién nhu hinh v& bén.

x | o 1 3 +0
y’ - 0 - 0 +

Tim tht cé céc gia tri m dé bt phuong trinh y = f(\/x—l +1)<m c6 nghi¢m?

A. m=>0. B. m>4. C. 1. D. m>-2.

Loi gidi
Bét phuong trinh f(\/x—l +1) <m xac dinh khi x>1.
Khido, vx—-1+1>1,¥vx>1
Tir bang bién thién ta thdy fain / (x) =1 (3)=-2.
Bét phuong trinh y = f(\/x—l +1) <m c6 nghiém khi va chi khi ™ 2 min f(x)=-2

[1400)

Cau33. Chohamsé y= f(x) c6 dd thi nhu hinh dudi day.

al

Tim tat ca cac gia tri thuc ctia tham s6 m dé bat phuong trinh 2.f (x) +x° >4x+m nghiém
ding véi moi x € (—1;3) .
A. m<=3. B. m<—-10. C.m<-2. D. m<5.

Loi giai

2
Taco 2.f(x)+x* >4x+m <:>f(x)>w

nghi¢m ding véi moi x € (—1;3) .
Duya vao d0 thi ta c6 gia tri nho nhét ctia ham s6 y = f(x) bang —3 khi x=2.

2
bat g(x)zw
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2D1-BT35:Gisi BPT chira tham sb. When the student is ready , the teacher will appear.

2
Taco g(x)<-3, Vre(-1:3) @w@s, Vxe(-1:3).

o -x +4x+m+6<0Vxe(-1;3) ©m<x’—4x-6, Vxe(-1;3).
bat h(x)=x2—4x—6, ‘v’xe(—l;3).
h'(x)=2x—4=0 S x=2.

Béng bién thién

e 2 3

' (x) - 0 +

h(x) | -1 -9
\‘ ~10

Vay m<-10.

Ciu 34. Bat phuong trinh c6 nghiém thudc doan [—1;3] khi va chi khi m <7.Cho f(x) ma do thi ham
s y= f'(x) nhu hinh v& bén

Y|

I
_2 O /'\‘

S AR

-1

Bét phuong trinh £(x) > sin%+ m nghiém ding v6i moi x e[~1;3] khi va chi khi

A. m< f(0). B. m< f(I)—1. C.m< f(-D+1.  D.m<fQ).
Loi giai

Chon B

e Xét bat phuong trinh f(x) > sin%+m (1) véi xe[-1;3], ta co:

f(x)>sin%+m©f(x)—sin%>m 2)

e Dinh gia f(x)—sin% Vi xe[-1;3]

+ T d6 thi ctia ham s6 y = f'(x) da cho ta suy ra BBT ctia f(x) nhu sau:
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT35:Giéi BPT chita tham sb.

x -1 1 3
£(x) - 0 +
Jx) S=n f(3)

\ @ /

Tir BBT ta suy ra: f(x)> f(1),¥xe[-1;3] (*)

+ Do xe[—l;3]nén: —1£x£3<:>—££ﬂ£3—”

2 2 2
Suy ra: —1Ssin%£l<:> —IS—sin%Sl (**)

+ Tu (*) va (**) cho ta: f(x)—sin% > f(H)—-1,Vxe [—1;3] .Déu "=" xay rakhi x=1

e Do dé: Bt phuong trinh f(x) > sin%+ m nghiém ding v4i moi x € [—1;3]

Sm< f()-1.

Céu 35. Chohamsé f(x) lién tuc trén R. Hamsé y = f’(x) c6 do thi nhu hinh dudi day:

Bat phuong trinh 3/ (x) <x’ —3x” +m ding véi moi x €(—1;3) khi va chi khi

A.m>3f(3). B. m>3f(3). C.m23f(-1)+4. D.m>3f(-1)+4.
Loi giai
Chon C

BPT & m>3f(x)—x" +3x" = g(x)(*)

Xét ham sd g(x) = 3f(x)—x3 +3x? trén khoang (—1;3) taco
g’(x)=3f’(x)—3x2 +6x=3[f’(x)—(x2 —2x)].
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2D1-BT35:Gii BPT chira tham sb. When the student is ready , the teacher will appear.

Mait khéc trén hé toa do, do thi ham sd y=x>=2x va dd thi f’(x) nhu sau:

,}
=x"—2x

Do d6 dé bat phwong trinh luén dung véi Vx e (-L3)e m> lim g(x)=3/(-1)+4

x—>-1"
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

BAI 36: BAI TOAN THU'C TE PA XAY DUNG MO HINH .

A.LY THUYET:
Bai toan :
Bai todn thiee té tim gid tri [om nhdt, nhé nhat da xdy dung mé hinh ham.

Phuong phap:

Luuy:
Van tdc tirc thoi: U (7 ;

Gia toc: a()) = s T

Cudng dd tire thoi: I(f)) = e,
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2D1-BT36:Bai toan thwe té d3 XD mo hinh. When the student is ready , the teacher will appear.

B. Vi DU MINH HQA

Cau 1.

Cau 2.

Cau 3.

Cau 5.

Cau 6.

: 1 . . o
Mot vat chuyén dong theo quy luat s = —5t3 +9¢* v6i t (gidy) la khoang thoi gian tinh tir luc

bét diu chuyén dong va s (mét) la quang dudng vat di dugc trong thoi gian d6. Hoi trong khoang
thoi gian 10 gidy, ké tir luc bat dau chuyén dong, van toc 1on nhét cua vét dat duoc bang bao
nhiéu?

A. 216(m/s). B. 30(m/s).

C. 400(m/s) D. 54(m/s).

Mot chat diém chuyén dong theo phuong trinh § = £ +9¢* +¢+10 trong d6 ¢ tinh bang (s) va
s tinh bang (m) . Trong khoang thoi gian 6 gidy dau tién ctia chuyén dong, & thoi diém nao thi

van toc cua chat diém dat gia trji 16n nhat?
A.t:2(s). B. t:3(s).

C.t:6(s) D.t=5(s).

: 1 . . . .
Mot vat chuyén dong theo quy luat s = —§t3 +61% v6i t (gidy) la khoang thoi gian tinh tir luc

bat dau chuyén dong va s (mét) la quang duong vat di duoc trong thoi gian d6. Hoi trong khoang
thoi gia 9 giay, ké tir lac bat dau chuyén dong, van toc 16n nhét cua vat dat duoc bé’mg bao nhiéu?
A. 144(m/s). B. 36(m/s).

C. 243(m/s) D. 27(m/s).

: 1 . . -
Mot vat chuyén dong theo quy luat s = _Et3 +61> véi t (gidy) l1a khoang thoi gian tinh tir luc

bat dau chuyén dong va s (mét) la quang duong vat di duoc trong thoi gian d6. Hoi trong khoang
thoi gia 6 gidy, ké tir lic bat dau chuyén dong, van toc 16n nhét cta vat dat duoc bang bao nhiéu?
A. 64(m/s). B. 24(m/s).

C. 18(m/s) D. 108(m/s).

. 1
Do giam huyét ap ctia mot bénh nhan dugc cho boi cong thue F (x) = 4—0x2 (30 —x) , trong do

x 14 lidu lugng thude tiém cho bénh nhan (x dugc tinh bang miligam) va x € [0;30] . Liéu lugng

thudc can tiém cho bénh nhan dé huyét ap giam nhiéu nhat la:
A. 10mg . B. 30mg .

C. 100mg D. 20mg .
Sau khi phat hién mot bénh dich, cac chuyén gia y té udc tinh s6 nguoi nhiém bénh ké tir ngay

4
xuat hién bénh nhan dau tién dén ngay thtr ¢ 1a f(¢)=4¢£ —% (ngudi). Néu xem f'(¢) 1a toc
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Cau 7.

Cau 8.

Cau 9.

Cau 10.

do truyén bénh (ngudi/ ngay) tai thoi diem ¢ véi ¢ €[0;6]. Toc d¢ truyén bénh 16n nhét s& 16n

nhit vao ngay thir may?
A. 6. B. 3.

C. 4 D.5.

Mot chit diém chuyén dong theo quy luat s(t) =6t> —#* (¢ tinh theo gidy). Trong 6 gidy dau
tién van toc chuyén dong v(t) (m / s) cua chat diém dé dat gia tri 1on nhat tai thoi diém.
A.t:1,5(s). B. t:2(s).

C. t:2,5(s) D. t=3(s).

Sau khi phat hién mot bénh dich, cac chuyén gia y t& uée tinh s6 ngudi nhiém bénh ké tir ngay
xuat hién bénh nhan dau tién dén ngay thtr ¢ 1a f(¢) =45t -, €[0;25] (nguoi). Néu coi f 1a
ham s6 xdc dinh trén [0;25] thi f7(¢) la toc do truyén bénh (ngudi/ ngay) tai thoi diém ¢ véi
t €[0;25]. Vao thoi diém ¢ nao thi toc d¢ truyén bénh 14 16n nhat?

A. =30, B. 1=25.

C.t=15 D.t=5.

Nha Thay T.Q.An trong rat nhiéu hoa cat tuong dé ban phuc vu tét. Trong ngay 29 tét am lich
Thay T.Q.An ban hang tai vuon tir lic 6 gio sang dén 4 gio chiéu, cir sau 1 tiéng Thay T.Q.An
lai dém sd cay hoa cat tudng ban dugc theo thoi gian 1a f (t) =15¢> —¢ (¢: thoi gian, don vi
gid). Gid str f(¢) 1a sb cay ban duoc trong 1 gio tai thoi diém ¢. Hoi sb cdy hoa cat tuong ban
dugc nhiéu nhét vao luc miy gio?

A. 9 gio sang. B. 11gio trua.

C. 2 gio chiéu D. 4 gio chiéu.

Mot con ca hoi boi nguge dong dé vuot khoang cach 1a 300(km). Van téc dong nude 1a
6(km / h) Néu vén tdc ctia ca boi khi nuée dimg yén 1a v(km / h) thi nang lugng tiéu hao cua
ca trong thoi gian ¢ gio dugc cho bdi cong thue £ (v) =cv’t, trong d6 ¢ 1a mot hang s, E dugc

tinh bang Jun . Vén tdc boi cua ca khi nudc ding yén 13 bao nhiéu dé ning lugng tiéu hao 1a it
nhat?
A.v=T7(km/h). B. v=8(km/h).

C. v=12(km/h) D. v=9(km/h).
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C. BAI TAP TREN LOP

Caul.

Cau 2.

Cau 3.

Cau 4.

Cau 7.

Vi khudn HP (Helicobacter pylori) gdy dau da day tai ngay thir m véi s6 luong 1a F (m) , biét

néu phat hién sém khi sb luong vi khuén khong vuot qua 4000 con thi bénh nhan sé duoc clru

chira. Biét F'(m)= ;?O(i
+

va ban dau bénh nhan ¢6 2000 con vi khuan. Sau 15 ngay bénh nhan

phat hién ra bi bénh.Hoi khi d6 c6 bao nhiéu con vi khudn trong da day (lay xap xi hang thap
phan thtr hai) va bénh nhan do6 cé ctru chita dugc khong ?
A. 5433,99 va khong ctru dugce B. 1499,45 va ctru duoc

C. 283,01 va ctru duoc D. 3716,99 va cuu duoc

Céc chuyén gia y té udc tinh s6 ngudi nhiém virus corona ké tir ngay xut hién bénh nhan dau
tién dén ngay thtr t1a f(¢)=45¢ —£v6i (0<r<25). 4 éucoi f(¢)1a mot ham x4c dinh trén
doan [0;25]thi ham f"(¢)dugc xem la toe d0 truyén bénh tai thoi diém ¢. Xéc dinh ngay ma toc
d6 truyén bénh 1a 16n nht.

A. 15. B. 20. C. 10. D.5.

a guoi ta tiém mat loai thudc vao mach mau & cach tay phai ciia mot bénh nhan. Sau thoi gian 1a
t gio, nong do thuoc & mach mau cua bénh nhan d6 dugc cho boi cong thic

0,28¢ ) ) . 3
C (t) = t; 2 (0 <t< 24). Hoi sau bao nhiéu gio thi nong do thudc & mach mau ctia bénh nhan
+

12 16n nhét ? (Trich dé thi thir 1an 1, 16p toanthayan)

A. 12 gio. B. 8 gio. C. 6 gio. D. 2 gio.

b giam huyét ap cia mdt bénh nhan dugc cho badi cong thire G(x) =0,025x" (30—x) . Trong
d6 x 1a liéu luong thudc duogc tiém cho bénh nhéan (don vi miligam). Tinh liéu lugng thude can
tiém cho bénh nhan dé huyét ap giam nhiéu nhat.

A. 15mg. B. 30mg. C. 25mg. D. 20 mg.

Mot chit diém chuyén dong theo quy luat S (t) =143 —£. Van tdc clia chuyén dong dat gia tri
16n nhét khi ¢ bang bao nhiéu:

At =2 B.t =1 C.t =3 D.t =4

Mot chat diém chuyén dong c6 van tde tirc thoi v(t) phu thude vao thoi gian ¢ theo ham sb
v(t) =—1'+8 +500(m/s) . Trong khoang thoi gian ¢ = O(S) dén ¢ = S(S) chat diém dat van tdc
16n nhét tai thoi diém nao?

A.t=4. B.t=2. C.t=0. D.t=1.

Mot chit diém chuyén dong theo quy luat s(t) =6t> —#* (¢ tinh theo gidy). Trong 6 gidy dau
tién vén toc chuyén dong v()(m/s) cia chat diém dé dat gia tri 1on nhat tai thoi diém.

A. t:I,S(S). B. t=2(s). C. t=2,5(s) D. t:3(s).
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Mot chat diém chuyén dong theo phuong trinh § =—#* +9¢* +¢+10 trong d6 ¢ tinh bang (s) va
s tinh bang (m) . Trong khoang thoi gian 6 gidy dau tién cua chuyén dong, ¢ thoi diém nao thi
van toc cua chat diém dat gia tri lon nhét?

A. t:2(s). B. t=3(s). C. t=6(s) D. t:S(s).

Ban An tham gia mot giai thi chay, gia sir quang dudng ma ban chay dugc 1a mot ham sb theo
bién fva co phuong trinh s(t) = -3 +1 lt(m) va thoi gian 7c6 don vi bang gidy. Hoi trong
qua trinh chay vén tdc tirc thoi nho nhat 1a

A. 8(mys). B. 1(m/s). C. 3(m’s). D. 4(m/s).

Mot con cé hdi boi nguoc dong dé vuot khoang cach 1a 300(km). Van téc dong nude la
6(km / h) 4 éu van tdc cta ca boi khi nude ding yén 1a v(km/ h) thi nang luong tiéu hao cua
ca trong thoi gian ¢ gio dugc cho bdi cong thie E (v) =Vt trong d6 ¢ 1a mot hing s, E duoc

tinh bang Jun . Vén tdc boi cua ca khi nudc ding yén 13 bao nhiéu dé ning lugng tiéu hao 14 it
nhat?
A.v=T7(km/h). B. v=8(km/h).

C. v=12(km/h) D. v=9(km/h).

Cho chuyén dong xéac dinh boi phuong trinh S = £* -3¢ —9¢, trong d6 ¢ dugc tinh bang gidy va
S dugc tinh bang mét. Gia tdc tai thoi diém van tdc triét tiéu 1a
A. 12m/s”. B. —6m/s’. C. —12m/s>. D. 6m/s’

Héng ngdy, myc nudce cia con kénh 1én xudng theo thiy triéu. D9 sdu h(m)clia muc nuéc trong
A , i 2: A , it 7w . ,
kénh tinh theo thoi gian t(h) duogc cho boi cong thirc A =3 cos (Z + ?j +12 . Khi nao myc nudc

ctia kénh 14 cao nhat vai thoi gian ngan nhét ?

A. t:22(h). B. t=15(h). C. t=14(h). D. t=10(h).

4 ha Thay Qudc An trong rat nhiéu hoa ly dé ban phuc vu tét. Trong ngay 29 tét 4m lich Thay
Qudc An ban hang tai vuon tir lac 6 gid sang dén 4 gid chidu, cir sau 1 tiéng Thay Qudc An lai
dém s cay hoa ly ban dugc theo thoi gian 1a f (t) =15¢* = (t: thoi gian, don vi gio). Gia st
f '(t) 1a 56 cay ban dugc trong 1 gio tai thoi diém ¢. Hoi s6 cdy hoa ly ban dugc nhiéu nhét vao
lac may gio?

A. 9 gio sang. B. 11gio trua.

C. 2 gio chiéu D. 4 gio chiéu.

Mot cong ty chuyén san xuat dia CD véi chi phi mdi dia 1a 40 (ngan dong). 4 éu mdi dia gia ban
la x (ngan dong) thi sb lugng dia ban duoc s& 1a q(x) =120—x. Hay x4c dinh gia ban cia mdi

dia sao cho loi nhuan ma cong ty thu dugc 1a cao nhit ?
A. 60 ngan dong. B. 70 ngan dong. C. 80 ngan dong. D. 90 ngan dong.

0988323371 | Bién soan va suu tim: T6 Qudc An



2D1-BT36:Bai toan thwe té d3 XD mo hinh. When the student is ready , the teacher will appear.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Mot nha san xuat doc quyén mot loai banh gia truyén dé ban ra thi truong trong dip Tét nam nay.
Qua thim do va nghién ctru thi truong biét lugng cau vé loai hang nay 1a mot ham s

1 . . .
0, (P) = 656—5P theo don gia P . a €u san xuat loai banh nay ¢ san lugng Q thi tong chi phi

la C (Q) =0’ —770% +10000+100 . Tim mtc san luong Q dé doanh nghiép c6 lgi nhuan cao

nhét sau khi ban hét loai banh nay véi don gia P, biét loi nhuan bang doanh thu trir di tong chi
phi, doanh thu bang don gia nhan san luong ban duoc.

A. 62. B. 200. C. 52. D. 2.

Mot tap chi ban dugc 25 nghin dong mét cudn. Chi phi xuat ban x cubn tap chi (bao gdm: luong
can b, cong nhan vién, ...) dugc cho boi cong thire C (x) =0,0001x>—0,2x+11000, C (x) duoc
tinh theo don vi van dong. Chi phi phat hanh cho mdi cu6n 1a 6 nghin déng. Cac khoan thu khi
ban tap chi bao gom tién ban tap chi va 100 triéu dong nhan duoc tir quang cao. Gia sir sd cudn

in ra déu dugc ban hét. Tinh s6 tién 141 16n nhat co thé co duoc khi ban tap chi.

A. 100.250.000 dong. B. 100.000.000 dong. C. 100.500.000 dong. D. 71.000.000 dong.
Mot xudng in c6 8 may in, mdi may in duoc 3600 ban in trong mot gio. Chi phi dé van hanh
mdt may trong mdi lan in 1a 50 nghin dong. Chi phi cho » may chay trong mét gio la
10(6n +10) nghin déng. Hoi néu in 50000 t& quang cdo thi phai sir dung bao nhiéu may in dé
dugc 13i nhiéu nhat?

A. 4 may. B. 6 may. C. 5 may. D. 7 may.

4 . X - 2. o , , v A , 26t +10
SO dan cua mot thi tran sau ¢ nam ké tir nam 1970 dugc udce tinh boi cong thuc f (t) = 5
t+

(f(t) duoc tinh bang nghin ngudi). Pao ham cta ham sb f biéu thi toc d¢ ting truéng dan sb

ctia thi trin (tinh bang nghin nguoi/nam). Hoi vao nam nao thi toe d6 ting dan s6 1a 0,048 nghin
ngudi/ ndm ? (Trich dé thi thir 1an 1, 16p toanthayan)

A. 2014. B. 2016 C. 2015 D. 2017.

Mot con cé hdi boi ngugc dong nude dé vuot mot khoang cach 300 km, van tdc cua dong nudce
la 6 (km/ h) . Gia st van toc boi cua ca khi nude yén ling 1a v (km/ h) . 4 ang luong tiéu hao cua
c4 trong tgid dugc tinh theo cong thirc E = cv’t ; ¢la hang s6 cho trude, don vi cia Ela Jun.
Van toc v cia ca khi nudce dimg yén dé ning lugng ciia c4 tiéu hao it nhat 1a

A. 9(km/h). B. 8(km/h). C. 10 (km/h) D. 12 (km/h)
4
Thé tich nudc ciia mot bé boi sau ¢ phat bom tinh theo cong thirc V(t)=ﬁ[30t3 —tz],

(0<£<90). Téc dd bom nudc tai thoi diém ¢ dugc tinh boi f(¢) =V '(¢). Trong céc khang dinh

sau, khang dinh nao diing ?
A. Téc d6 bom giam tir phat thir 60 dén phut tha 90.

B. Tc d6 bom tang tir phiit 0 dén phut thi 75.

C. Tc @6 bom ludn giam. D. Téc d6 bom ludn ting.
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D. BAI TAP REN LUYEN

Caul.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Ahiet d60 T cia mot nguoi trong con bénh dugc cho boi cong thuc
T(t)=-0,1£ +1,2¢+98,6 (0<r<11), trong d6 T lanhiét do (°F — Fahrenheit) theo thoi gian

F-32 , 6 chénh 1éch (theo 6 °C) gilta nhiét d6 16n nhat va

t trong ngdy. Biét rang °C =

nhiét d6 thap nhét trong mot ngay 1a
A. 3,6°C. B. 2°C.

C.2,6°C. D. 2,5°C.

Sau khi phat hién mot bénh dich, cac chuyén gia y té udc tinh s6 ngudi nhiém bénh ké tir ngay
. L , ¢ L ,

xuat hién bénh nhan dau tién dén ngay thu ¢ 1a f (t) =47 e (nguoi). a éu xem f '(t) la toc

do truyén bénh (nguoi/ ngay) tai thoi diém ¢ voi te [0;6] . Toc dd truyén bénh 16n nhét s& 16n

nhit vao ngay thr may?

A. 6. B. 3.

C. 4 D. 5.

Do giam huyét ap ciia mot bénh nhan dugc cho boi cong thire G(x) =0,035x (15 - x) , trong do
x 1a liéu lwong thudc duge tiém cho bénh nhan (x duoc tinh bing miligam). Tinh liéu luong
thudc can tiém (don vi miligam) cho bénh nhan dé huyét ap giam nhiéu nhét.

A. x=8. B. x=10.

C. x=15. D. x=7.

Mot loai thube duge dung cho mot bénh nhan va néng d6 thude trong mau cua bénh nhan dugc
giam sat bai bac si. Biét rang nong d6 thudc trong mau ciia bénh nhén sau khi tiém vao co thé
t
£ +1

trong ¢t gio dugc tinh theo cong thire c(t) = (mg/L). Sau khi tiém thudc bao lau thi ndng

d6 thudc trong mau ciia bénh nhan cao nhat?
A. 4 gio. B. 1 gio.

C. 3 gio. D. 2 gio.

Mot vat chuyén dong theo quy ludt s = —Ets +61°voi t(gidy)la khoang thoi gian tir khi vat bat

dau chuyén dong va s (mét) 1a quang duong vét di chuyén trong thoi gian 6. Hoi trong khoang
thoi gian 6 gidy, ké tir luc bat dau chuyén dong, van téc 16n nhét vat dat dugc bang bao nhiéu?
A. 24(m/s). B. 108(mvs).

C. 64(m/s). D. 18(m/s).
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Cau 6. Mot chét diém chuyén dong c6 phuong trinh chuyén dong 1a s=— +6> +17¢, véi t(s)la
khoang thoi gian tinh tir lac vat bit dau chuyén dong va s(m) la quang duong vat di dugc trong
khoang thoi gian d6. Trong khoang thoi gian 8 gidy dau tién, van tdc v(m / s) cta chat diém dat
gia tri 16n nhat bang
A. 29m/s. B. 26m/s.

C.17m/s. D. 36m/s.

: 1 . . .
Cau7. Mot vat chuyén dong theo quy luat s = —§t3 +6t> voi t (gidy) 1a khoang thoi gian tinh tir lac

bét dau chuyén dong va s (mét) la quang dudng vat di dugc trong thoi gian d6. Hoi trong khoang
thoi gia 9 gidy, ké tir luc bit dau chuyén dong, van toc 16n nhat cua vat dat dwoc bang bao nhiéu?
A. 144(m/s). B. 36(m/s).

C. 243(m/s) D. 27(m/s).

. 1 .
Cau 8. Mot vat roi tu do voi phuong trinh chuyén dong S = 5 gt’, trong d6 g =9,8m/s* va ¢ tinh bang

giay (s) . Vén tdc cua vat tai thoi diém ¢ =5s bang:
A. 49m/s. B. 25m/s.
C. 10nms. D. 18my/s.

: 1 . . . o
Cau 9. Mot vat chuyén dong theo quy luat s = —Et3 +9¢° v6i t (gidy) 1a khoang thoi gian tinh tir luc

bat dau chuyén dong va s (mét) la quang duong vat di duoc trong thoi gian d6. Hoi trong khoang
thoi gian 10 giay, ké tir lac bt dau chuyén dong, van tdc 16n nhat cua vat dat duoc bé'mg bao

nhiéu?
A. 216(m/s). B. 30(m/s).
C. 400(m/s) D. 54(m/s).

. 1 S .
Cau 10. Mot vat chuyén dong theo quy ludt s = 51‘3 —t*> +9¢t v6i t(gidy) la khoang thoi gian tinh tir luc

vat bat dau chuyén dong va s (mét) 1a quang duong vat di duoc trong thoi gian d6. Hoi trong
khoang thoi gian 10 gidy ké tir lac bat dau chuyén dong, van tc 16n nhét cua vat dat duoc bang
bao nhiéu ?

A. 89(m/s). B. 109(m/s).
C. 71(m/s). D. %(m/s).
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Cau 11.

Cau 12.

Céu 13.

Cau 14.

Cau 15.

Cong ty A chuyén san xudt mot loai san pham va ude tinh rang véi ¢ san pham duogc san xuat
thi tong chi phi s& 1a C(q) =3¢ +72¢—9789 (don vi tién t&). Gia mdi san pham cong ty s& ban
voi gia p(q) =180—3¢ . Hiy xac dinh s6 san pham cong ty can san xuit sao cho cong ty thu

dugc loi nhuén cao nhit ?
A. 8. B. 9. C. 10. D. 11.

Gia str rang mdi quan hé giita nhu cau thi truong va san luong gao ciia doanh nghiép X dugc cho
1 . 3 . ‘ :
theo ham Q, = 656—5P ; Op1a luong gao thi truong can va P la gia ban cho mot tan gao. Lai

biét chi phi cho viéc san xuat dugc cho theo ham C (Q) =0’ —770° +1000Q +100 ; Cla chi phi
doanh nghiép X bo ra, Q (tén) la luwong gao san xuét duogc trong mot don vi thoi gian. bé dat loi

nhuan cao nhat thi doanh nghiép X can san xuét lugng gao gan véi gia tri ndo nhat sau day?
A. 51 (tan). B. 52 (tén). C. 2 (tan). D. 3 (tan).

Khi nuéi ca thi nghiém trong hd, mot nha sinh vét hoc théy réng: 4 éu trén mdi don vi dién tich cua
mat ho co 7 con ca thi trung binh mdi con ¢4 sau mot vu can nang P(n) = 480 — 20n( gam) . Hoi phai
tha bao nhiéu con ca trén mot don vi dién tich ciia mat ho dé sau mot vu thu hoach duge nhiéu ca
nhét ?

A.10 B. 12 C.16 D.24

Chi phi xuat ban x cudn tap chi (bao gdm: luong can b, cong nhan vién, gidy in...) duoc cho
boi C (x) =0,0001x*> —0,2x+10000, C (x) duoc tinh theo don vi la van déng. Chi phi phat hanh
T(x)
X
hanh) cho x cudn tap chi, duwoc goi 1a chi phi trung binh cho mot cudn tap chi khi xuat ban x

cho mdi cudn 1a 4 nghin dong. Ti s6 M (x) = voi T (x) 1a tong chi phi (xuét ban va phat

cubn. Khi chi phi trung binh cho mdi cubn tap chi M (x) thép nhét, tinh chi phi cho mdi cubn

tap chi do.
A. 20.000d. B. 15.0004d. C. 10.0004. D. 22.000d.

Theo thong ké tai mot nha may Z , néu ap dung tuan lam viéc 40 gio thi mdi tuan co 100 cong
nhan di 1am va mdi cong nhan lam duoc 120 san pham trong mot gio. 4 éu ting thoi gian lam
viéc thém 2 gio mdi tudn thi s& ¢6 1 cong nhan nghi viéc va ning suat lao dong giam 5 san
pham/1 cong nhan/1 gid (va nhu vy, néu giam thoi gian lam viée 2 gio mdi tuan thi s& c6 thém
1 cong nhén di lam dong thoi nang suat lao dong tang 5 san pham/1 cong nhan/1 gid). 4 goai ra,
z z 2 x. A , , N 95x2+120x L. N .. N A N

s0 phé pham moi tuan udce tinh la P(x) =T, voi x 1a thoi gian lam viée trong mot
tuan. 4 ha may can ap dung thoi gian 1am viéc mdi tuin méy gid dé s6 lwong san pham thu duoc
mdi tudn 1a 16n nhat?

A. x=36. B. x=32. C. x=44. D. x=48.
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Cau 16. Dit mot dién ap xoay chidu u = lOOx/Ecos(IOOm)V, t(s) vao hai ddu mot doan mach gém bién
trd R nbi tiép v6i cudn ddy thudn cam do6 tw cam L. Didu chinh R dé téng dién ap hiéu dung

(U 2 TU L) dat gia tri cyc dai, gia tri cuc dai do la

A.100\2 V. B. 200 V. C. 502V D. 100 V.

Cau 17. Cén phai dat mot ngon dién ¢ phia trén va chinh giita mot cai ban hinh tron c¢6 ban kinh A. Hoi
phai treo & d6 cao bao nhiéu dé mép ban dwoc nhiéu anh sang nhat. Biét ring cuong d6 sang C

sino n e N N
5— (a la géc nghiéng giira tia sang va mép ban, k 1a hang
r

dugc biéu thi boi cong thirc C=k

s6 ty 1& chi phu thudc vao ngudn sang).

wt M

A h=— B. h= C.h=

[\
[\®]
[NSREN
)
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

BAI 36: BAI TOAN THU'C TE PA XAY DUNG MO HINH .

A.LY THUYET:
Bai toan :
Bai todn thiee té tim gid tri [om nhdt, nhé nhat da xdy dung mé hinh ham.

Phuong phap:

Xéc dinh mdi quan hé cac dai luong (dai lwong dé bai cho va dai luong can tim gia trj 10n nhat,
nho nhat).

Luuy:
Van toc tire thoi: v(t,)=s'(¢,); Gia toe: a(t,)=v'(t,) =s"(t,)
Cuong do tue thoi: 1(1,)=0'(¢,)
» Quy bai toan thuc té vé bai toan tim gi tri 16n nhit, nho nhat cia ham sb.

» Lap bang bién thién tim gia tri 16n nhat nho nhét cta dai luong can xét.
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2D1-BT36:Bai toan thwe té d3 XD mo hinh. When the student is ready , the teacher will appear.
B. Vi DU MINH HQA

Caul. Mot vét chuyén dong theo quy lut s = —%tS +9¢% v6i t (gidy) 1a khoang thoi gian tinh tir Itc

bat dau chuyén dong va s (mét) 1a quang duong vat di dugc trong thoi gian d6. Hoi trong khoang
thoi gian 10 gidy, ké tir lac bat dau chuyén dong, van toc 16n nhét cua vét dat duoc bang bao

nhiéu?
A. 216(m/s). B. 30(m/s).
C. 400(m/s) D. 54(m/s).

Cau2. Mot chat diém chuyén dong theo phuong trinh S = —£* +9¢” +¢+10 trong d6 ¢ tinh bang (s) va
s tinh bang (m) . Trong khoang thoi gian 6 gidy dau tién ciia chuyén dong, ¢ thoi diém nao thi

van toc cua chit diém dat gi tri 16n nhat?
A.t=2(s). B.t:3(s).

C. t=6(s) D. t=5(s).

Cau3. Mot vat chuyén dong theo quy lut s = —%f +6¢% v6i t (gidy) la khoang thoi gian tinh tir Itc

bat dau chuyén dong va s (mét) 1 quang dudng vat di dugc trong thoi gian d6. Hoi trong khoang
thoi gia 9 gidy, ké tir lic bat dau chuyén dong, van toc 16n nhét cta vat dat duoc bang bao nhiéu?
A. 144(m/s). B. 36(m/s).

C. 243(m/s) D. 27(m/s) .

Cau4. Mot vat chuyén dong theo quy lut s = —%f +6t> v6i t (gidy) 1a khoang thoi gian tinh tir Itc

bat dau chuyén dong va s (mét) 1a quang duong vat di duoc trong thoi gian d6. Hoi trong khoang
thoi gia 6 gidy, ké tir luc bat dau chuyén dong, van toc 1on nhat ciia vt dat duoc bang bao nhiéu?
A. 64(m/s). B. 24(m/s).

C. l8(m/s) D. 108(m/s).

Cau5. D9 giam huyét ép clia mot bénh nhan dugc cho bdi cong thic F(x)= %xz (30—x) . trong dé

x 14 liéu lugng thude tiém cho bénh nhan (x dugc tinh bing miligam) va x €[0;30]. Liéu lugng

thudc can tiém cho bénh nhan dé huyét ap giam nhiéu nhat la:
A. 10mg . B. 30mg .

C. 100mg D. 20mg .
Cau 6.  Sau khi phat hién mot bénh dich, cic chuyén gia y t& udc tinh sé ngudi nhidm bénh ké tir ngay

4
xuat hién bénh nhan dau tién dén ngay thtr ¢ 1a f(¢)=4¢ —% (ngudi). Néu xem f'(¢) 1a toc
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

do truyén bénh (ngudi/ ngay) tai thoi diém ¢ voi ¢ €[0;6]. Toc do truyén bénh 16n nhat s& 16n

nhit vao ngay thir may?
A. 6. B. 3.

C. 4 D. 5.

Mot chit diém chuyén dong theo quy luat s(t) = 61> —¢* ( ¢ tinh theo gidy). Trong 6 gidy dau
tién van toc chuyén dong v(t) (m / s) ctia chat diém do dat gia tri lon nhét tai thoi diém.

A. t=1,5(s). B. t=2(s).

C. t:2,5(s) D. t:3(s).

Sau khi phat hién mot bénh dich, cac chuyén gia y té udc tinh s6 nguoi nhiém bénh ké tir ngay
xuat hién bénh nhan dau tién dén ngay thtr ¢ 1a £ (¢) =456 —£,¢ €[0;25] (nguoi). Néu coi f 1a
ham s x4c dinh trén [0;25] thi f7(¢) 1a téc d truyén bénh (nguoi/ ngay) tai thoi diem ¢ véi
t €[0;25]. Vao thoi diém ¢ nao thi toc do truyén bénh 1a 16n nhat?

A. t=30. B. t=25.

C.t=15 D.¢r=5.

Nha Thay T.Q.An trong rat nhidu hoa cat tuong dé ban phuc vu tét. Trong ngay 29 tét am lich
Thay T.Q.An ban hang tai vuon tir lac 6 gid sang dén 4 gio chidu, cir sau 1 tiéng Thay T.Q.An
lai dém s6 ciy hoa cat tudng ban duoc theo thoi gian 1a f (t) =15¢> —¢ (¢: thoi gian, don vi
gi®). Gia st f7(¢) 1a s cay ban duoc trong 1 gid tai thoi diém ¢. Hoi s6 cay hoa cat tuong ban
dugc nhiéu nhét vao luc miy gio?

A. 9 gio sang. B. 11gi0 trua.

C. 2 gid chiéu D. 4 gid chiéu.

Mot con ca hoi boi nguoc dong dé vuot khoang cach 1a 300(km). Van téc dong nudc l1a
6(km /). Néu van toc cua cé boi khi nuéc dimg yén 1a v(km/h) thi ning lugng tiéu hao cta
ca trong thoi gian ¢ gio dugc cho bdi cong thue £ (v) = ¢Vt , trong d6 ¢ 1a mot hang s6, E dugc

tinh bang Jun . Vén tdc boi cua ca khi nude dung yén 1a bao nhiéu dé nang luogng tiéu hao 1a it
nhat?
A.v=7(km/h). B.v:8(km/h).

C.v=12(km/h) D.v=9(km/h).
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2D1-BT36:Bai toin thwe té d3 XD md hinh When the student is ready , the teacher will appear.
C. BAI TAP TREN LOP

Cau 1. Vi khuan HP (Helicobacter pylori) giy dau da day tai ngay tha m véi s6 lugng 1a F (m) , biét

néu phat hién sém khi sb luong vi khuén khong vuot qua 4000 con thi bénh nhan sé duoc clru

chita. Biét F '(m) = ;?O(i
+

va ban d4u bénh nhan c6 2000 con vi khuan. Sau 15 ngay bénh nhan

phat hién ra bi bénh.Hoi khi d6 ¢ bao nhiéu con vi khuan trong da day (liy xap xi hang thap
phan thtr hai) va bénh nhan do6 cé ctru chita dugc khong ?
A. 5433,99 va khong ctu dugce B. 1499,45 va ctru duoc

C. 283,01 va ctru dugc D. 3716,99 va ctru dugc
Loi giai.

F(m) = 500.ln(2t + l)+ C

Véi t=0=¢=2000

Vi t=155001n(2.15 + 1)+2000=3716,99<4000:> ctru dugc

Cau 2. Cac chuyén gia y té woc tinh sé nguoi nhidm virus corona ké tir ngay xuét hién bénh nhan dau
tién dén ngay thir ¢1a f(t) =451 — £ voi (0 <t< 25) . 4 éu coi f(t) la mot ham xac dinh trén
doan [O; 25] thi ham f’ (t) duoc xem 1a tbe do truyén bénh tai thoi diém ¢. Xac dinh ngay ma tbe

d6 truyén bénh 1a 16n nht.
A.15. B. 20. C. 10. D. 5.

Loi giai
Chon A

Cach 01 :

Tir gid thiét suy ra tbc d9 truyén bénh tai thoi diém ¢la: (1) =90 -3¢,
Xétham f'(¢) =90t —3r*v6i 0<r<25.

Taco: f"(1)=90-6t=0<1=15.

Béng bién thién:
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

Cau 3.

Cau 4.

t|0 15 25

f” + 0 —

67
ff

0 375

Tir bang bién thién ta c6 ngdy ma tdc do truyén bénh 13 16n nhat 1a ngay tha 15.
Cach 02 :

Ta co: f'(x) =907 -3t x e [0;25].

Khao sat ham f(x).

Taco f"(t)=90—6t; f"(1)=0=1=15.

t 0 15 30
() 0 -

: 675
/(1) / ~__

Vay toc d6 lan truyén bénh 16n nhét vao thoi diém ¢ =15(s).

a guoi ta tiém mat loai thuoc vao mach mau & cach tay phai ciia mot bénh nhan. Sau thoi gian la
t gio, nong do thuoc ¢ mach mau cua bénh nhan d6 dugc cho boi cong thuc

0,28¢ ) ) . 3 _ .
C (t) = t; ) (0 <t< 24). Hoéi sau bao nhiéu gi¢ thi nong dé thudéc & mach mau ctia bénh nhan
+

14 16n nhét ? (Trich d¢ thi thir 1an 1, 16p toanthayan)
A. 12 gio. B. 8 gio. C. 6 gio. D. 2 gio.

Loi giai

Chon .
0,28.(4—¢
(=028 _ oy 928 00)

= .Khido C'(¢)=0 =2
T2 (t2+4)2 ido C'(t)=0<1t

Lép bang bién thién ta suy ra maxC(t)=2

te(0;24)

Do giam huyét ap ctia mot bénh nhan duoc cho baoi cong thirc G(x) =0,025x" (3()—x) . Trong

d6 x1alidu lugong thudc duoc tiém cho bénh nhén (don vi miligam). Tinh lidu luong thude can
tiém cho bénh nhan dé huyét ap giam nhiéu nhat.
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2D1-BT36:Bai toan thuc té 33 XD mé hinh. When the student is ready , the teacher will appear.

A. 15mg. B. 30mg. C. 25mg. D. 20 mg.
Loi gidi
Chon D

Cach1:

Ta co: G(x) =-0,025x> +0,75x" . Pao ham: G'(x) =-0,075x> +1,5x .

. 5 x=20
XetG(x)=0<:>—0,075x +1,5x=0 0"
X =

Béng bién thién:

x | —o 0 20 +0

Vv - 0 - 0 —0

+0 100
X \ / \
0 -0

Dua vao bang bién thién ta théy ham sb dat cuc dai tai x=20.
Vay can tiém 20 mg thudc cho bénh nhan dé huyét 4p giam nhiéu nhat.

Cach 02 :
3
Taco f(x)=0,025x*(30—x) =0,0125x.x.(60— 2x) so,mzs.(LfO_zx) ~100.

Dau “=" xay ra khi x =60—2x < x =20miligam.

Cach 03 :

Taco: F'(x) =%(60x—3x2), x e[0;30].

x=0
Khao sat ham F’(x),tacc') F'(x)zO@[ )
x=20
X 0 20 30
F'(x) + 0 —

(x) 100
' / \

Vay lidu luong thude can tiém cho bénh nhan dé giam huyét ap nhiéu nhat 1a 20mg .

Cau 5. Mot chat diém chuyén dong theo quy ludt S (t) =143 —#. Van toc cia chuyén dong dat gia tri

16n nhét khi ¢ bang bao nhiéu:
At =2 B.t: =1 C.t =3 D.t =4

Loi gisi.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

Cau 6.

Cau 7.

Cach 1:

Taco V(t)=S'(t)=6:-3¢ =3(t-1)’+3<3<1=1.

Cach 2:

Chat diém chuyén dong theo quy luat S (t) =143 —£. Vi van tdc ctia chuyén dong & thoi diém
tchinh 1a $'(¢); ta di tim gia trj 16n nhéat cua ham s6 S'(¢).

Taco §'(1)=(1+37 ) =613 ==3(* ~2) =3-3(t-1) <3,V eR

mﬂng'(t)=3 khi t-1=0<1¢=1.

Mot chat diém chuyén dong c6 van tde tirc thoi v(t) phu thude vao thoi gian ¢ theo ham sb
v(t) =—1'+8 +500(m/s) . Trong khoang thoi gian ¢ = O(S) dén ¢ = 5(s) chat diém dat van toc

16n nhét tai thoi diém nao?
A.t=4. B.t=2. C.t=0. D.t=1.

Loi giai
Chon B

, ' 3 t:()
Taco V'(t)=—4r +161 =0 <

t=12

Trong khoang thoi gian ¢ = O(s) dén t=5 (s) chat diém dat van tdc 1on nhat bang v(2) =516
khi t=2.

Mot chit diém chuyén dong theo quy luat s(t) =6t> —£* ( ¢ tinh theo gidy). Trong 6 gidy dau
tién van toc chuyén dong v(t) (m / s) ctia cht diém do dat gia tri 1on nhét tai thoi diém.

A. t=l,5(s). B. t=2(s). C. t=2,5(s) D. t=3(s).
Loi giai
Chon B

Ta co: v(t) :s'(t) =12¢-3¢7, te[0;6].
Khao sat ham v(t):

Ta co: v'(t) =12-6¢.

V(t)=0e1=2.
t 0 2 6
V' + 0 -
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2D1-BT36:Bai toan thwe té d3 XD mo hinh. When the student is ready , the teacher will appear.

v /12\

Vay van tbc 16n nhat cta vat dat duoc tai thoi diém ¢=2(s).

Cau8. Mot chat diém chuyén dong theo phuong trinh § =—#* +9¢* +¢+10 trong d6 ¢ tinh bang (s) va
s tinh bang (m) . Trong khoang thoi gian 6 gidy dau tién cua chuyén dong, & thoi diém nao thi

vén toc cua chét diém dat gia tri lon nhat?
A. t=2(s). B. t=3(s). C. t=6(s) D. t=5(s).

Loi giai
Chen B

Ta co: v(t) =s'(t)=—3t2 +18¢+1, te[O;lO].
Khao sat ham v(t):

Ta co: v'(t) =—6¢+18.

V(t)=0e1=3.
t 0 3 6
V' + 0 -

Vay van tdc 16n nhat cua vat dat duge béng 54(m / s) tai thoi diém ¢ = 3(s) .

Cau 9. Ban An tham gia mot gii thi chay, gia st quing duong ma ban chay dugc 1a mot ham sd theo
bién ¢va co phuong trinh s(t) = -3¢ +llt(m) va thoi gian #c6 don vi bang gidy. Hoi trong
qua trinh chay vén tdc tirc thoi nho nhat 1a
A. 8(ms). B. 1(m/s). C. 3(m/s). D. 4(m/s).

Loi giai

Cach 1:
Ta c6 van toc dugce tinh theo cong thtc v(t) = s'(t) =3t"—6t+11= 3(t—1)2 +8>8.
Vay v, = 8(m/s) khi t= l(s).

Cach 2:
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

Ta c6 van téc duge tinh theo cong thirc v(¢)=s'(¢)=3¢" —6¢+11=3(t —l)2 +8>8.

Vay v :8(m/s) khi tzl(s).

min

Cau 10. Mot con ca hoi boi nguoc dong dé vuot khoang cach 1a 300(km). Van toc dong nudc 1a
6(km/h). 4 éu van toc cua ca boi khi nude dimg yén 1a v(km/h) thi nang luong ti€u hao cua
ca trong thoi gian ¢ gid dugc cho bdi cong thue E (v) =cv't , trong d6 ¢ 1a mot hang s6, E duoc

tinh bang Jun . Vén toc boi cua ca khi nudc diung yén 1a bao nhiéu dé ning lugng tiéu hao 14 it
nhat?

A.v=7(km/h). B.v=8(km/h). C.v=12(km/h) D.v=9(km/h).

Loi gidi
Chon D

Van toc ctia ca boi khi nguoc dong 1a: v— 6(km / h) Thoi gian dé ca boi vuot khoang cach

300km la t = 300
v—6
4 ang luong tiéu hao cua ca dé vuot khoang cach do 1a:
3
E(v) =cv. 3006 =300c.—~ (jun),v >6
_ v _

E(v) - 0 +
E(v)

Cau 11. Cho chuyén dong xac dinh boi phuong trinh § = ¢ —3¢* —9¢, trong d6 ¢ dugc tinh bang gidy va
S duoc tinh béng mét. Gia tdc tai thoi diém van toc triét tiéu 1a
A. 12m/s’. B. —6m/s>. C. —12m/s>. D. 6m/s’

Loi giai
Chen A

Taco
v(1)=8"(t)=3"-6:-9

a(t)=V'(1)=6:1-6
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2D1-BT36:Bai toan thwe té d3 XD mo hinh. When the student is ready , the teacher will appear.

Khi van toc triét tieu ta c6 v(t) =037 —61-9=0<1=3 (vi t>0)
Khi do gia toc 1a a(3)=6.3-6=12m/s’.

Céu 12. Hang ngay, muc nudc clia con kénh 1én xudng theo thuy triéu. Do su A (m) ciia myc nudc trong
kénh tinh theo thoi gian t(h) duoc cho boi cong thiic 4 = 3 cos (%t + %j +12 . Khi nao muc nude

ctia kénh 14 cao nhat vai thoi gian ngan nhét ?
A.t=22(h). B. 1=15(h). C. t=14(h). D. =10(h).

Loi giai
Chon D

Taco: -1< cos(%t+§j <1< 9<h<15. Do d6 muc nudc cao nhét cta kénh la 15m dat duoc

khicos| Zt+Z |21 Zi+ X ckor e r=—2+12k
6 3 6 3

‘ 1

V1t>0<:>—2+12k>0<:>k>g

Chon sé k nguyén duong nho nhét thoa k > % la k=1=1¢=10.

Cau 13. 4 ha Thay Qudc An trong rat nhiéu hoa ly dé ban phuc vu tét. Trong ngay 29 tét am lich Thay
Quéc An ban hang tai vuon tir lac 6 gio sang dén 4 gio chiéu, cir sau 1 tiéng Thay Qudc An lai
dém s6 cay hoa ly ban duoc theo thoi gian 1a f(¢)=15¢*—¢ (¢: thoi gian, don vi gio). Gid sir
f '(t) 1a 56 cdy ban dugc trong 1 gio tai thoi diém ¢. Hoi s6 cdy hoa ly ban dugc nhiéu nhét vao
lac may gio?

A. 9 gi0 sang. B. 11gio trua. C. 2 gio chiéu D. 4 gio chiéu.
Loi giai

Thay Qudc An ban hang tai vudn tir lic 6 gid sang dén 4 gio chiéu tong cong c6 10 tiéng.

Ta co: f(t) =15 -, te [0;10].

Khao sat ham f(t) :

Taco: f'(t)=30t=3¢%, f"(1)=30—6r.

f"(t)=0=1=5.
t 0 5 10
fll + 0 _
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Cau 14.

Cau 15.

/! /75\

S cay hoa ly ban duoc nhiéu nhét 1a 75 cay lac 11 gid trua.

Mot cong ty chuyén san xuat dia CD v&i chi phi mdi dia 1a 40 (ngan dong). 4 éu mdi dia gia ban
1a x (ngan dong) thi sé luong dia ban duogc sé& 1a q(x) =120—x. Hay xac dinh gia ban ciia mdi

dia sao cho lgi nhuén ma cong ty thu duoc la cao nhét ?
A. 60 ngan dong. B. 70 ngan dong. C. 80 ngan dong. D. 90 ngan dong.

Loi gidi
Chon C.

Goi x 1a gia ban cta san pham. (0 <x <120)

Ta c6 doanh thu ma céng ty thu duoc la R(x) = x.q(x) = x(120—x) =120x—x
DPong thoi, chi phi ma cong ty bo ra la C(x) = 40(120—x) =4800—-40x

Loi nhudn ma cong ty thu dugc chinh la R(x) - C(x) =—x" +160x —4800

Xét f(x) =—x" +160x —4800 . Bai toan tr¢ thanh tim  max f(x) =?

0<x<120
Ta co f'(x) = —2x+160,f'(x) =0< x=80. Lap bang bién thién ta co:

80 120

/ 1600 \ /%

Duya vao bang bién thién ta c6: max f(x) = f(80) =1600

0<x<120
Vay khi ban véi gia 80 ngan thi cong ty dat lgi nhuan cao nhét.

Mot nha san xuat doc quyén mot loai banh gia truyén dé ban ra thi trudng trong dip Tét nim nay.
Qua thim do va nghién ctru thi truong biét lugng cau vé loai hang nay 1a mot ham s

1 . . .
0, (P) = 656—5P theo don gia P . a €u san xuat loai banh nay ¢ san lugng Q thi tong chi phi

la C(Q) =0’ -770% +1000Q +100 . Tim murc san luong Q dé doanh nghiép c6 loi nhuan cao

nhét sau khi ban hét loai banh nay voi don gia P, biét loi nhuan bang doanh thu trir di téng chi
phi, doanh thu bang don gia nhan san luong ban dugc.
A. 62, B. 200. C. 52. D.2.

Loi giai
Chon C

Tacé P=20-1312
Loi nhuan: f(Q) = Q.P—C(Q)
& f(0)=0(20-1312)— (0" - 770" +10000 +100)
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2D1-BT36:Bai toan thwe té d3 XD mo hinh. When the student is ready , the teacher will appear.

Céau 16.

Cau 17.

& f(Q) =-0’+750° +3120-100
Gié tri 16n nhit ctia ham sb f (Q) trén khoang (O; 656) dat duogc tai O =52.

Mot tap chi ban dugc 25 nghin ddng mot cudn. Chi phi xuét ban x cudn tap chi (bao gom: lwong

can b, cong nhan vién, ...) dugc cho boi cong thire C (x) =0,0001x> —0,2x+11000, C (x) duoc

tinh theo don vi van ddng. Chi phi phat hanh cho mdi cudn 13 6 nghin dong. Cac khoan thu khi

ban tap chi bao gom tién ban tap chi va 100 triéu dong nhan duoc tir quang cao. Gia st sd cudn

in ra déu duoc ban hét. Tinh s6 tién 13i 10n nhat c6 thé c6 duoc khi ban tap chi.

A. 100.250.000 dong.  B. 100.000.000 dong. C. 100.500.000 dong. D. 71.000.000 dong.
Loi giai

Tong thu khi ban hét x cudn tap chi 1a T'(x)=25x+100000 nghin dong.

Téng chi phi cho x cudn tap chi la

f(x) =0,001x* —2x+110000+ 6x = 0,001x> +4x +110000 nghin dong.

S6 tién 1ai thu duoc 13 25x +100000—0,001x* —4x—110000 = -0,001x* + 21x ~10000 = g x)

nghin dong.
DE thiy g(x) la ham s6 bac hai, hé s6 @ =-0,001<0 nén g(x) dat GTLa khi
21 .
X= =10500 va max g(x)=100250 nghin dong.
2.0,001 g( ) ¢ ¢

Mot xudng in ¢6 8 may in, mdi may in dugc 3600 ban in trong mot gid. Chi phi dé van hanh
mot may trong mdi lan in 12 50 nghin dong. Chi phi cho n may chay trong mot gid la
10(6n +10) nghin dong. Hoi néu in 50000 t& quang céo thi phai st dung bao nhiéu may in dé
dugc 13i nhiéu nhat?
A. 4 may. B. 6 may. C. 5 may. D. 7 may.

Loi giai

o s 125
Mot may: Trong mot gio in duge 3600 to nén 50000 to can ry gio.

3 .. 125 .
Do dé » may can thoi gian . gio.
n

Tong chi phi la f(n)= [10.(6n+10).192}.1000+50000n .
n

Khi d6: dé duoc 13i nhiéu nhat thi f(n) dat gid tri nh6 nhét, véi ne[1;8] va neN.

250 50410 ]
3

f(n)=( 3

5 .10000 (Dung BDT Cosi).
n

1250 5J10
=5Snesn= ~

aé hé nhat khi
aenf(n)nona 1 on 3

5.
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Cau 18.

Cau 19.

Cau 20.

£ , a s K - TR ., e A , 26t +10
SO dan ctia mot thi tran sau ¢ nam ké tir nam 1970 dugc uwdce tinh boi cong thiae f (t) = 15
+

(f(¢) dugc tinh bang nghin nguoi). Pao ham ctia ham sé f bicu thi téc df ting trudng dan sb
cta thi tran (tinh bang nghin ngudi/ndm). Hoi vao ndm nao thi tbe d6 ting dan sb 1a 0,048 nghin

ngudi/ nam ? (Trich dé thi thir 1an 1, 16p toanthayan)

A. 2014. B. 2016 C. 2015 D. 2017.
Loi giai
Chen C.
26t +10 120 . 120 6
t)= = f'(t)=———= . Khido ycbt & ———=0,048 =—
T=0s = 0=y T sy 125

=2500=(1+5) & 1+5=50=1=45.
4 hu vay dén nam 1970+45=2015 thi dat toc do tang dan s6 0,048 nguoi/nam .
M&t con c4 hoi boi nguoc dong nudc dé vuot mot khoang cach 300 km, van tde cua dong nudc
la 6 (km/ h) . Gia sir van tc boi ctia ca khi nuée yén lang 1a v (km/ h) . 4 ang luong tiéu hao cua
c4 trong ¢gid dugc tinh theo cong thirc E = cv’t ; cla hang s6 cho trudce, don vi ciia E1a Jun .
Van téc veua ca khi nude ding yén dé nang luong cia ca tiéu hao it nhat 1a
A.9(km/h). B.8(km/h). C. IO(km/h). D. 12 (km/h)

Loi giai

Taco (v—6)1=300=¢= 3206 .Suyra E=cv3t=cv3%=3000f(v)véri f(v)= "

3
v

3

Vi cla hiang sb nén dé nang luong tiéu hao it nhat thi f (v) = s nho nhét.
V—
Xét ham sb f(v) trén (6; +0), ta o
3 1Qy2 3 1Qu2
f,(v):—2v 18v suy ra f’(v)=0<:>—2v 18v =0=>v=9.

(v-6) (v-6)

Lap bang bién thién ta suy ra dugc ham $6 f (v) dat gia tri nhd nhét tai v=9.

Thé tich nudc ciia mot bé boi sau ¢ phat bom tinh theo cong thirc V(t) = ﬁ[?ﬂf —%) ,
(0<£<90). Toc do bom nudc tai thoi diém ¢ dugc tinh boi f(¢) =V '(¢). Trong c4c khang dinh

sau, khang dinh nao diing ?
A. Téc d6 bom giam tir phat thir 60 dén phut thi 90.

B. Thc d6 bom tang tir phtit 0 dén phut thi 75.

C. Tc 6 bom ludn giam.
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D. Téc d6 bom ludn ting.

Loi gidi

t=60
t=0

V'(t)=$(90t2—t3):> V"(t)=0©$(180t—3t2)=0<:{

Lap bang bién thién ta c6:

Dua vao bang bién thién ta chon dap an A.
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D. BAI TAP REN LUYEN

Caul.

Cau 2.

Ahiet d60 T cia mot nguoi trong con bénh dugc cho boi cong thuc
T(t)=-0,1£" +1,2¢+98,6 (0<r<11), trong d6 T lanhi¢t do (°F — Fahrenheit) theo thoi gian

°F-32

t trong ngay. Biét rang °C = , 40 chénh léch (theo d6 °C) giita nhiét do 16n nhét va

nhiét d thap nhét trong mot ngay 1a
A.3,6'C. B. 2°C. C.2,6°C. D. 2,5°C.
Loi giai

Taco: T(1)=-0,1+1,2t+98,6,= T'(1)=-0,2t+1,2=>T'(t) =0 <=1 =6

7(0)=98,6°F =37°C max T'(1)=T(6)=39"C
Déng thoi ta co: (6) =102,2°F =39°C te[O:lz] 0
. 0 min T'(1)=7(0)=37"C
T(11)=99,7°F =37,6°C [0:12]

S A =2C

Céch khdc: Ta co T (t)=-0,1/* +1,26+98,6 =102,2-0,1(1 —6)’ <102,2 vt €[0;12]

Viay dau “=" xay ra khi va chi khi 1=6. Do d6 maxT =102,2 << t=6

Sau khi phat hién mot bénh dich, cac chuyén gia y té udc tinh s6 nguoi nhiém bénh ké tir ngay
4
xuat hién bénh nhan dau tién dén ngay tha ¢ 13 f ( ) ar —t— (ngudi). 4 éu xem f” ( ) 1a tbe

d6 truyén bénh (ngudi/ ngay) tai thoi diém ¢ véi t € [0;6] . Tdc @6 truyén bénh 16n nhét s& 16n

nhit vao ngay thir may?
A. 6. B. 3. C. 4 D. 5.

Loi giai
Chen C

Ta co: f'(x) =12 -2¢, xe [0;6].

Khao sat ham f'(x) )

Ta c6 f”(t)=24t—6t2;f"(t)=0<:{

t 0 4 6

Viy tbc d6 truyén 16n nhat s& 16n nhat vao ngay thir 4 .
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Cau3. Do giam huyét ap ciia mot bénh nhan dugc cho boi cong thire G(x) =0,035x (15 - x) , trong do
x1a liéu luong thudc duoge tiém cho bénh nhan (x duoc tinh bing miligam). Tinh liéu luong
thudc can tiém (don vi miligam) cho bénh nhan dé huyét ap giam nhiéu nhét.

A. x=8. B. x=10. C. x=15. D. x=7.
Loi giai

Cach 01 :
Pk: x €[0;15]. (vi d6 giam huyét ap khong thé 1a s am)
x=0

C6 G'(x)=0,035| 2x(15—x)—x" |=0,105x(10—x) =0 .
6 G'(x)=0,035[ 2x(15-x) ¥’ | =0,105x(10—x) @Lzlo

G(0)=0; G(m):% G(15)=0.
Béng bién thién:
X 0 10 15
G(x] 4 0 —

G(x)ﬂ/?\’ﬂ

Vay huyét 4p bénh nhan giam nhiéu nhat khi tiém cho bénh nhan liéu x =10 miligam.
Cach 02 :

Dk: x €[0;15]. (vi do giam huyét ap khong thé 1a s6 4m)

x=0
C6 G'(x)=0,035[ 2x(15-x)—x* | =0,105x(10-x) =0@L210.
G(0)=0: G(10)==2: G(15)=0.
Bang bién thién:
x |o 10 15
G'(x) + _

G[J;] . / ? \ ;

Vay huyét ap bénh nhan giam nhiéu nhat khi tiém cho bénh nhan liéu x =10 miligam.
Cach 03 :

Pk: x €[0;15]. (vi do giam huyét ap khong thé 1a s am)
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x=0

5 G'(x)=0,035| 2x(15—x)—x* |=0,105x(10-x)=0 .
Co (x) , [x( x) x] R x( x) Q[leo

G(0)=0: G(10)=2; G(15)=0.
Bang bién thién:
x |o 10 15
G'(x) + 0 -
5 —
G(x) . 2 .

Vay huyét ap bénh nhan giam nhiéu nhat khi tiém cho bénh nhan lidu x =10 miligam.

Mot loai thuoc dugce dung cho mdt bénh nhan va nong do thude trong mau cua bénh nhan dugc
giam sat boi bac si. Biét rang nong do thudc trong mau ctia bénh nhan sau khi tiém vao co thé

trong ¢ gio dugc tinh theo cong thuc c(t) = t2t 1 (mg/L). Sau khi tiém thudc bao 1au thi ndng
+

d6 thude trong mau cua bénh nhan cao nhét?

A. 4 gio. B. 1 gio. C. 3 gio. D. 2 gio.

Huwéng din giai

Véi c(t)=t2:_1 ,t>0taco ()= (t2+1)2 )

Cho c'(t) =0

Béng bién thién

1 +o0
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Caus5. Mot vat chuyén dong theo quy luat s = —5t3 +61°voi t(gidy)la khoang thoi gian tir khi vat bat

dau chuyén dong va s (mét) 1a quing duong vat di chuyén trong thoi gian d6. Hoi trong khoang
thoi gian 6 gidy, ké tir ltc bt dau chuyén dong, van tdc 16n nhét vat dat duoc béng bao nhiéu?
A. 24(m/s). B. 108(m/s). C. 64(m/s). D. 18(m/s).

Loi giai
Chen A

Cach 1:
, ’ 3 2 3 2 3 2
Taco v=ys'=—=1 +120===( =81 +16)+24 =24 —=(r-4) <24
2 2 2
Vay max v(t)=24(m/s)tai thoi diem ¢ =4 (gidy).
Cach 2:
Ta co: v(t) = s'(t) = —%tz +12¢, t e [0; 6] )
Khéo sat ham v(t) :

Ta co: v'(t) =-3t+12.

V(1)=0e1=4.
t 0 4 6
v + 0 -

v /24\

Vay van tdc 1on nht cua vat dat duge béng 24(m / s) .

Cau 6. Mot chét diem chuyén dong c6 phuong trinh chuyén dong 1a s=— +6¢ +17¢, véi t(s)la
khoang thoi gian tinh tir luc vt bat dau chuyén dong va s(m)la quang duong vat di dugc trong
khoang thoi gian d6. Trong khoang thoi gian 8 gidy dau tién, van tdc v(m / s) cta chat diém dat
gié tri 16n nhat bang
A.29m/s. B. 26m/s. C.17m/s. D. 36m/s.

Loi giai
Co:v=s'=-3"+12t+17
Ta di tim gia tri 16n nhét cia v = —3¢* +12¢+17 trén khoang (0;8)
V=62 +12,v'=0=>¢=2
BBT:
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Cau 7.

Cau 8.

Cau 9.

t] 0 2 8
v' + 0 -

\% /29\

Vay vén tdc 16n nhét trong khoang 8 gidy dau tién la: 29m/s .

: 1 . . . -
Mot vat chuyén dong theo quy luat s = —§t3 +61° v6i t (gidy) 1a khoang thoi gian tinh tir luc

bét dau chuyén dong va s (mét) 1a quang dudng vat di dugc trong thoi gian d6. Hoi trong khoang
thoi gia 9 gidy, ké tir lac bt diu chuyén dong, van toc 16n nhat ciia vat dat dwoc bang bao nhiéu?
A. 144(m/s). B. 36(m/s). C. 243(m/s) D. 27(m/s).

Loi giai
Chen B

Ta co: v(t) = s’(t) =—1*+12t,te [0;9] :
Khao sat ham v(t) :

Ta co: v'(t) =-2¢+12.

V(t)=0e1=6.
t 0 6 9
V' + 0 -

Vian toc 16n nhét cia vat dat duoc bang 36(m / s) )

. 1 §
Mot vat roi ty do véi phuong trinh chuyén dong S = 5 gt’, trong 46 g =9,8m/s* va ¢ tinh bang

giay (s) . Van toc ctia vat tai thoi diém ¢ =S5s béng:
A. 49m/s. B. 25m/s. C. 10m/s. D. 18m/s.
Loi giai

v(5) = 8'=gt =9,85 = 49m/s

Mot vat chuyén dong theo quy lut s = —%f +9¢% v6i t (gidy) 1a khoang thoi gian tinh tir Itc

bat dau chuyén dong va s (mét) 1a quang dudng vat di duoc trong thoi gian d6. Hoi trong khoang
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thoi gian 10 gidy, ké tir lic bat dau chuyén dong, van toc 1on nhét cua vét dat duoc bang bao
nhiéu?
A. 216(m/s). B. 30(m/s). C. 400(m/s) D. 54(m/s).
Loi giai
Chon D
Taco: v(r)=s'(t) = —%tz +18¢, 1 €[0;10].
Khao sat ham v(t) :

Ta co: v'(t) =-3r+18.

V(1)=0=1=6.
t 0 6 10
V' + 0 -

v /54\

Vian toc 16n nhét cua vat dat duoc bang 54(m / s) ) -

. 1 o . -
Cau 10. Mot vat chuyén dong theo quy luat s = §t3 —#* +9¢ v6i t(gidy) 1a khoang thoi gian tinh tir luc

vat bit dau chuyén dong va s (mét) 1a quing duong vat di duoc trong thoi gian d6. Hoi trong
khoang thoi gian 10 gidy ké tir lac bat dau chuyén dong, van tc 16n nhét cia vat dat duoc bang
bao nhiéu ?
25
A. 89(m/s). B. 109(m/s). C. 71(m/s). D. ?(m/s).
Loi giai

Cach 1:

Theo y nghia vat li cua dao ham, van tdc tire thoi cia mot vat khi chuyén dong la dao ham cua
quang duong theo thoi gian t.

Van toc tuc thoi cua vat tai thoi diém ¢1a v() =s'(¢) = (5 £ -1+ 9tj =1 -2t+9.

Xét ham s v(¢) =1 =2t +9trén doan tir [0;10].
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Cau 11.

Cau 12.

t 0 1 10
v'(#) - 0 +
v(z) ’ \’ q / v

Tir bang bién thién gié tri 16n nhét cia ham v(r)1a 89.
Cach 2:

Ta co v(t):s'(t):t2—2t+9.
Taco: v'=2t-2 =2V =01=1
Tinh: v(1)=8; v(10)=89, v(0)=9.
Vay van toc 16n nhat 1a 89(nvs).

Cong ty A chuyén san xuat mot loai san pham va wdc tinh ring voi ¢ san pham dugc san xut
thi tong chi phi s& 1a C(q) =3q* +72¢—9789 (don vi tién t&). Gid mdi san pham cong ty s& ban
voi gia p(q) =180—3¢ . Hay xac dinh sd san pham cong ty cin san xuat sao cho cong ty thu

duoc loi nhun cao nhét ?
A. 8. B. 9. C. 10. D. 11.

Loi giai
Chon B.

Goi q(O <g< 60) 1a s6 san pham ma cong ty A can san xuat dé thu duoc loi nhuan cao nhat.
Khi d6, néu ban hét s6 san pham thi doanh thu s& 1a D(g) = ¢(180-3¢)=180¢ -3¢’
Suy ra lgi nhuén ma cong ty thu duoc la L(q) = D(q) - C(q) =—6¢" +108g +9789

Bai toan tr¢ thanh tim max L(q)="?
0<g<60

Taco L'(q)=-12¢+108,L'(¢) =0 g =9&(0;60)

Lép bang bién thién ta c6 max L(q)=L(9)=10275

0<g<60

Vay dé thu dugc loi nhuan cao nhat thi cong ty can san xuat 9 san pham.

Gia sir rang mbi quan hé giita nhu cau thi truong va san lugng gao ciia doanh nghiép X duoc cho

1 . 5 . ; .
theo ham @, = 656—5P ; Opla lugng gao thi truong can va P la gid ban cho mot tan gao. Lai
biét chi phi cho viéc san xuat dugc cho theo ham C (Q) =0’ -770% +10000 +100 ; Cla chi phi
doanh nghiép X bo ra, Q (tan) 1a lugng gao san xuét duge trong mot don vi thoi gian. bé dat loi

nhuan cao nhét thi doanh nghiép X can san xuét lvong gao gan véi gia tri ndo nhét sau day?
A. 51 (tan). B. 52 (tan). C. 2 (tan). D. 3 (tan).
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Goi Q la lugng gao doanh nghiép X can san xuat dé dat 1gi nhuén cao nhét thi khi d6 ta c6

0=0, =656—%P:>P=1312—2Q.

Loi gidi

e Doanh thu cua doanh nghiép: R =P.Q =(1312-20).20

e Loi nhuan ctia doanh nghiép: L=R~-C =-0’ +750% +3120-100

Khao sat ham trén ta théy lgi nhuén dat cuc dai khi 9 =52.

Cau 13. Khi nu6i ca thi nghiém trong hd, mot nha sinh vét hoc théy ré“lng: 4 éu trén mdi don vi dién tich cua
mit ho co 7 con ca thi trung binh mdi con ¢4 sau mot vu can nang P(n) = 480 — 20n( gam) . Hoi phai
tha bao nhiéu con c4 trén mot don vi dién tich ciia mat ho dé sau mot vu thu hoach duge nhiéu ca
nhét ?

A.10 B. 12 C.16 D.24

Loi giai
Goi 7 1a s6 con ca trén mot don vi dién tich hd (n> 0). Khi do:
Can ndng cua mot con ca la: P(n) =480 — 20n(gam)
Can ning cua 1 con c4 la: n.P(n) = 480n —20n*(gam)

Xét ham sb: f(1) = 480n — 2011 € (0;+00) . Ta co: f'(n)=480—40n,cho f'(n)=0=n=12

n 0 12 10
f'(n) + 0 -

/() P

Duya vao bang bién thién ta thiy s6 ca phai tha trén mot don vi dién tich ho dé c6 thu hoach nhiéu
nhat 1a 12 con.
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Cau 14.

Cau 15.

Chi phi xuat ban x cudn tap chi (bao gdm: luvong can bg, cong nhéan vién, gidy in...) dugc cho
boi C (x) =0,0001x*> —0,2x+10000, C (x) duoc tinh theo don vi 1a van déng. Chi phi phat hanh

7(x)

cho mdi cudn 1a 4 nghin dong. Ti s6 M (x) =
X

voi T (x) 1a tong chi phi (xuét ban va phat
hanh) cho x cudn tap chi, dugc goi la chi phi trung binh cho mét cudn tap chi khi xuét ban x
cudn. Khi chi phi trung binh cho mdi cudn tap chi M (x) thdp nhat, tinh chi phi cho mdi cudn
tap chi do.
A. 20.000d. B. 15.0004d. C. 10.0004d. D. 22.0004d.

Loi giai

Theo gia thiét, ta c6 T(x) = C(x) +0,4x =0,0001x* +0,2x+10000 .

T . X
M (x)= (_x) = O,OOle+M+O,2 >2+0,2=2,2 van dong =22.000 dong.
X X
, 1
Dang thic xay ra < 0,0001x = 0000 < x=10000.
x

Theo thong ké tai mot nha may Z , néu ap dung tudn lam viéc 40 gio thi mdi tuan co 100 cong
nhan di 1am va mdi cong nhan lam duoc 120 san pham trong mot gio. 4 éu ting thoi gian lam
viéc thém 2 gid mdi tudn thi s& c6 1 cong nhan nghi viéc va ning suat lao dong giam 5 san
pham/1 cong nhan/1 gio (va nhu vay, néu giam thoi gian 1am viéc 2 gio mbi tuan thi s& co thém
1 cong nhan di lam dong thoi nang suit lao dong ting 5 san pham/1 cong nhan/1 giod). 4 goai ra,
X % 2 x. A , , N 95x2+120x L. N e . N A A

sO phé pham moi tuan udc tinh la P(x) :f’ voi x 1a thoi gian lam viéc trong mot
tuan. 4 ha may can ap dung thoi gian 1am viéc mdi tuin méy gid dé s6 lwong san pham thu duoc
mdi tuan 1a 16n nhat?

A. x=36. B. x=32. C. x=44. D. x=48.

Loi giai
Chon A

Goi t1a s6 gio 1am ting thém (hodc giam) mdi tuan, t R

LA A ten A e e A b A 1A a1 Lo
= s0 cong nhan bo viéc (hodc tang thém) 1a 5 nén sO cong nhan lam viéc 1a 100 5 nguoi.
L P . 5t 2 PR
a ang suat cua cong nhan con 120 Y san pham mot gio.

S6 thoi gian 1am viéc mot tuan 1a 40+ ¢ gio.
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40+¢t>0

Pé nha may hoat dong dugc thi 120—% >0=>te (—40;48) .

100-L 50
2

S6 san pham trong mot tuan lam dugc: S = (100 —%)(120 ——j 40+ t)

95(40+1)" +120(40+1)
y .

86 san pham thu duge 1a f(¢) = (100——)(120—5j

f’(t)=—5(120—%j(40+t)—%[100—%)(40+t)+(100—§j(120—%)—%(40+t) 30

D I35 o,
47 2

t |—40 —4 48

Vay s6 luong san pham thu duoc mdi tuan 16n nhat khi x =36 (gio).

Cau 16. Dat mot dién ap xoay chiéu u = 100\/5005(1007rt)V, t(s) vao hai dau mot doan mach g(”)m bién
tré R nbi tiép voi cudn day thuan cam d6 tu cam L. Diéu chinh R dé téng dién ap hi¢u dung
(U U L) dat gia tri cuc dai, gia tri cyc dai do la
A. 10032 7. B. 200 V. C.50\2 7V D. 100V .

Loi giai

Ug+U,=1(R+2,)= v

R*+Z*

L

(R+2,)=
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT36:Bai todn thue té 33 XD md hinh.

% . R +Z
De(UR+UL)MAX y(R)M[N Vol y(R): (R+Z )2 (R >0)
L

2R(R+2,) -2(R*+Z,)(R+2,) 2R(R+Z,)-2(R +Z2)
(R+7,)' B (R+Z,) '

y'(R)=0 2R +2RZ, ~2R*-2Z,> =027, (R-Z,) =0 =[R=Z,]

Khido y'(R)=

A . 1
Dua vao bang bién thién (ho sinh ty vé) tasuyra y,, = ) S R=Z,

Do do [(Ug+U,),,, =UN2 & R=Z,|= (U, +U,),,,. =100v2 = [4]

Cau17. Can phai dat mot ngon dién ¢ phia trén va chinh gitta mot cai ban hinh tron c6 ban kinh a. Hoi

phai treo & d6 cao bao nhiéu dé mép ban duoc nhiéu anh sang nhat. Biét rang cuong do sang C

sin
7"2

dugc biéu thi boi cong thirc C=k (a 1a goc nghiéng giita tia sing va mép ban, k 1a hang

s6 ty 18 chi phu thudc vao ngudn sang).

C. h=

N
[\®]
NSNS
o

Loi giai

Ta cé: » =a” +h* (Dinh Iy Py-ta-go)
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2D1-BT36:Bai toan thwe té d3 XD mo hinh.

) h
singg =— = ——
Nat+h?
:C:k.sma_k h

R Ja + 1 (a2+h2)

h

@)

Xétham f(h)= (h>0), taco:
(? +h2)3 —2h2.;x/a2 +h

f'(h): 3
(a2 +h2)

f(h)=0< /(K +a2)3 =30’ Na* + 1

When the student is ready , the teacher will appear.

Sh+a’ =3 <h= a22
Béng bién thién:
h
0 ay2 +00
2
£'(h) T
f(h) / \
\ , - K I a2 a\/z
Tur bang bién thién suy ra: f(h) < h= =>C=kf(h) <h= 5
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai todn thue té chwa XD md hinh.

BAI 37: BAI TOAN THU'C TE CHUA XAY DUNG MO HINH .

A.LY THUYET:
Bai toan :
Bai todn thiec té tim gid tri [om nhat, nhé nhat chwa xdy dung mé hinh ham.
Mot s6 phan kién thirc nam ¢ cdc chwong sau nén thay chi ldy bai & chwong 1 théi nhé
Phuong phap:
PHANI BAI TOAN VE QUANG PUONG
PHANII  BAI TOAN VE DIEN TiCH HINH PHANG
PHANIII  BAI TOAN LIEN HE DIEN TiCH, THE TiCH
PHANIV  BAI TOAN VE LAI SUAT NGAN HANG
PHAN V BAI TOAN LIEN QUAN PEN MU, LOGARIT
PHAN VI  BAI TOAN LIEN HE TiCH PHAN, MOI QUAN HE PAO HAM - NGUYEN HAM
PHAN VII  BAI TOAN KINH TE
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2D1-BT37:Bai toan thuwe té chwa XD md hinh. When the student is ready , the teacher will appear.

B. Vi DU MINH HQA

Cau 1.

Cau 2.

Cau 3.

Khi qua bong dugc dé 1én, nd s& dat do cao nao dé rdi roi xudng dat. Biét rang quy dao cia qua
bong 1a mdt cung parabol trong mit phang voi hé toa dd Oth , trong d6 ¢ 1a thoi gian (gidy) ké
tir khi qua bong duoc da 1én; & 13 do cao (mét). Gia thiét qua bong duoc da tir 46 cao Im va dat
dugc d6 cao 6m sau 1 gidy dong thoi sau 6 gidy qua bong tré vé do cao lm. Hoi trong khoang
thoi gian 5 gidy, ké tir ltic bat dau dugc da, do cao 16n nhat cua qua bong dat duoc 1a bao nhiéu?
A. 9m. B. 10m.

C. 6m D. 13m.

Mot dot hoi trai “Khi t6i 18” duogc t6 tai truong THPT Pleiku, Poan truong co6 thuc hién dy an
anh trung bay trén mot pano c6 dang hinh parabol nhu hinh v&. Biét rang Poan trudng s& yéu
cAu céc 16p gtri hinh dy thi va dan 1&én khu vyc hinh chit nhat ABCD phﬁn con lai s€ dugc trang
tri hoa van cho phu hop. Chi phi trang tri hoa vin 1a 100.000 dong cho mot m? bang. Hoi chi

phi f ’(x) thap nhét cho viéc hoan tat hoa vin trén pano sé& 1a bao nhiéu (lam tron dén hang

nghin)?
A. 615000 (dong). B. 440000 (dong).
C. 451000 (dong). D. 606000 (dong).

Mot birc tudng cao 2m nam song song voi toa nha va cach toa nha 2m . Ngudi ta mudn ché tao
mot chiée thang bic tir mat dat bén ngoai buc tudng va cham vao toa nha (xem hinh v&). Hoi
chiéu dai tdi thiéu cta thang bang bao nhiéu mét?

Toa nha

thang

2
m_2m

A. #m B. 4V2m.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai todn thue té chwa XD md hinh.

C. 6m D. 3/5m.

Caud. tirmot miéng ton hinh ban nguyét c6 ban kinh R =3, nguoi ta muonl cit ra mot hinh chir nhat
(xem hinh) ¢6 dién tich 16n nhét. Dién 16n nhét c6 thé c6 cua miéng ton hinh chir nhat la:

A. 643

C.7 D. 9.

Cau 5. Mot ngon hai dang dat & vi tri 4 cach bo bién mot khoang AB =5 (km) . Trén b bién c6 mot cai
kho ¢ vi tri C cach B mot khoang la 7(km) Ngudi canh hai ding c6 thé chéo do tir 4 dén vi
tri M trén b bién véi van tde 4(km / h) 161 di bo dén C véi van tée 6(km / h) . Vi tri cua diém

M cich B mot khoang gan nhét véi gia tri nao sau day dé nguoi d6 dén kho nhanh nhat?

A
4
5 k.
:'
g8
A M___L
7 ki
A. 0,0(km). B. 7,0(km).
C. 4,5(km) D. 2,1(km).
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2D1-BT37:Bai toan thuc té chuwa XD mé hinh. When the student is ready , the teacher will appear.
C. BAI TAP TREN LOP

Caul. Thay T6 Qudc An dang & khach san A bén bo bién, ¢6 can di du lich dén hon dao C . Biét rang
khoang cach tir dao C dén b bién 1a 10 km , khoang cach tir khach san 4 dén diém B trén bo
gan dao Cla 50 km . Tir khach san 4, Thiy T6 Qudc An c6 thé di dudng thity hodc di duong
b 10i di duong thuy dé dén hon dao C (nhu hinh vé& bén). Biét rang chi phi di duong thuy 1a 5
USD/km, chi phi di duong bo 1a 3 USD/km. Hoi Thay Té Qudc An phai di duong bo mot khoang
bao nhiéu km dé chi phi 14 nho nhét.

A. %(km). B. 8—25(km) . C. 50(km). D. 10426 (km).
C
10 km
A (50 %) km D xkm B

Cau 2. Mot cong ty mudn lam mot duong 6ng dan tir mot diém A4 trén bo dén mot diém B trén mot
hon dao. Hon dao cach bo bién 6km . Gia dé xay dudng dng trén b 1a 50.000USD mdi km , va
130.000USD mbi km dé xiy dudi nugC. B’ la diém trén bo bién sao cho BB’ vudng goc voi
bo bién. Khoang cach tir 4 dén B’ 1a 9%m . Vitri C trén doan AB’ sao cho khi ndi dng theo
ACB thi s6 tién it nhat. Khi d6 C cach 4 mot doan bang:

E/ ddao \

g
: bién

6km |
|
I
O )
B’ b6 bién 9km A

A. 6.5km. B. 6km. C. Okm. D. %m .

Cau 3. Mot nguoi dan ong mudn chéo thuyén & vi tri A téi diém B vé phia ha luu bd ddi dién, cang
nhanh cang tét, trén mot bo song thang rong 3 km (nhu hinh v&). Anh c6 thé chéo thuyén cia
minh truc tiép qua song dé dén Cva sau d6 chay dén B, hay c6 thé chéo truc tiép dén B, hoic
anh ta c6 thé chéo thuyén dén mot diém D gitta Cva B va sau d6 chay dén B. Biét anh dy co
thé chéo thuyén 6 km/h, chay 8 km/h va quing duong BC =8 km . Biét toc do ctia dong nudc
1a khong dang ké so véi tdc do chéo thuyén ctia nguoi dan ong. Tinh khoang thoi gian ngén nhat
(don vi: gid) dé ngudi dan ong dén B .
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai toén thue té chwa XD md hinh.

Cau 5.

Cau 6.

Cau 7.

A.E. B.i. C.@. D.1+ﬂ.
2 6 8

NG

Vong quay mat trdi — Sun Wheel tai Cong vién Chau A, Pa Nang c6 duong kinh 100 m, quay hét
mot vong trong khoang thoi gian 15 phat. Luc bat dau quay, mot nguoi & cabin thap nhat (d6 cao
0 m). Hoi ngudi d6 dat duge do cao 85 m lan dau tién sau bao nhiéu gidy ( lam tron dén 1/10 gidy)?
A. 336,1s. B. 382,5s. C. 380,1s. D. 350,5 s.

Mot 130 noéng chia dat cho con trai dé ngudi con canh tac riéng, biét ngudi con s& dugc chon
miéng dat hinh chir nhat c6 chu vi bang 800(m). Hoi anh ta chon mdi kich thudc cta né bang
bao nhiéu dé dién tich canh tac 1én nhat?

A. 200m x200m B. 300m x100m C. 250mx150m D. Dap an khac

Nguoi ta mudn rao quanh mot khu dat vai mot s6 vat liéu cho trude 1a 180 mét thflng hang rao.
O d6 nguoi ta tan dung mot bo gidu c6 san dé 1am mot canh cia hang rao va rao thanh manh dat
hinh chit nhat. Hoi manh dét hinh chit nhat dugc rao c6 dién tich 16n nhét bang bao nhiéu?

A. S, =3600m B. S, =4000m’ C. S, =8100m’ D. S, =4050m

Tinh dién tich 16n nhét S . €@ MmOt hinh chit nhat ndi tiép trong nua duong tron ban kinh
R = 6cm néu mét canh cua hinh chit nhat ndm doc theo duong kinh cda hinh tron ma hinh ch
nhat d6 noi tiép.

A. S, . =36rcm’. B.S,, =36cm’. C.S,, =9%zcm’. D.S  =18cm’.

C6 mot tim gd hinh vudng canh 200 cm. Cit mot tam gd c6 hinh tam giac vuodng, c6 tong cua
mot canh goc vudng va canh huyen bang hang s 120 cm tr tam g0 trén sao cho tdm gd hinh tam
giac vudng c6 dién tich 16n nhat. Hoi canh huyén cta tim gd nay 1a bao nhiéu?

A. 40cm . B. 40\/3cm . C. 80cm . D. 40+/2cm.
Mot soi ddy c6 chiéu dai 1a 6 m, duoc chia thanh hai phan. Phan tht nhat dugc udn thanh hinh
tam giac déu, phan thir hai un thanh hinh vuéng. Hoi do dai cta canh hinh tam giac déu bang

bao nhiéu dé dién tich hai hinh thu duogc 1a nhé nhat?

} |

AN
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2D1-BT37:Bai toén thue té chwa XD md hinh. When the student is ready , the teacher will appear.
183 12 18 b 3643

A. VO] (m). B. m(m) C. 91403 (m). . m(m)

Cau 10. Mot soi day kim loai dai 60cm dugc cit thanh hai doan. Poan day thu nhat udn thanh hinh vuong
canh a, doan day thu hai udn thanh duong tron ban kinh r. bé téng dién tich cua hinh vudng

r s ad s
va hinh tron nho nhat thi ti s0 —bang:

r
l l
ALt B.L-2. c.2-3. p. 4-4.
r r r r

Céu 11. Cho mdt tAm nhom hinh vudng canh l(m) nhu hinh v& dudi day. Nguoi ta cit phan t6 dam cia
tam nhom roi gap thanh mot hinh chép tir gidc déu co canh day bang x(m) , sao cho bon dinh

ctia hinh vuéng gap lai thanh dinh cua hinh chép. Tim gi trj ciia x dé khdi chop nhan duoc co
thé tich 16n nhat.

A. x= B. x= CX=

V2 V2 1
4 3 2
Céau 12. Cit ba goc ciia mot tam giac déu canh bang a cac doan bang x,[O <x< gj phan con lai 1a mot

tam giac déu bén ngoai 1a cac hinh chit nhat, roi gap cac hinh chit nhat lai tao thanh khéi lang tru
tam giac déu nhu hinh v&. Tim dg dai x dé the tich khoi lang tru 16m nhat.

W[
oK)
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai toén thue té chwa XD md hinh.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Tir mot tAm t6n hinh chir nhét c6 kich thudc 40 cm va 60 cm nguoi ta cit bo bdn hinh vudng &
bdn goc dé gap lai duoc mot cai hop khong nép.

60cm

40cm

Pé thé tich cua hop d6 16n nhat thi canh hinh vudng cit bo cb gia tri gan voi gia tri nao sau day?
A. 7,85cm. B. 15cm. C. 3,92cm. D. 18cm.

Ban An 12 mét hoc sinh 16p 12, bd ban 1a mét tho han. B6 ban dinh 1am mét chiéc thung hinh tru
tr m§t manh ton c¢6 chu vi 120 cm theo cach dudi day:

e o,

Bﬁng kién thirc d3 hoc em giup bd ban chon méanh ton dé 1am duoc chiée thung co thé tich 16m
nhat, khi d6 chiéu dai, rong cia manh ton lan luot la:

A. 35cm;25cm B. 40cm;20cm C. 50cm;10cm D. 30cm;30cm

Véi mot miéng ton hinh tron c¢6 ban kinh bang R = 6cm. Nguoi ta mubn lam mot cai phéu bang
cach cat di mot hinh quat ciia hinh tron nay va gap phan con lai thanh hinh nén ( Nhu hinh v&).
Hinh nén c¢6 thé tich 16n nht khi ngu’m ta cat cung tron cua hinh quat bang

A. ﬂ'\/g cm B. 677\/8 cm C. 277\/6 cm D. 877\/6 cm

Mot cong ty du kién chi 1 ty dong dé san xuat cac thung son hinh try ¢6 dung tich 51it. Biét rang
chi phi dé lam mit xung quanh thing d6 13 100.000d/m2, chi phi dé 1am mdi mat day cua thung
d6 1a 120.000d/m?. Hay tinh sb thung son toi da ma cong ty d6 san xuét dugc (Gia sir chi phi cac
mdi ndi khong dang keé).

A. 18.209 thung. B. 57.582thung. C. 12.525 thung. D. 58.135thung.

Mot crra hang ban 1¢ ban 2500 cai tivi mdi nim. Chi phi gui trong kho 1a 10USD mot cai mot
nam. Dé dit hang nha san xudt thi mdi lan chi phi ¢6 dinh 1a 20USD, cong thém 9USD moi
chiéC. Biét rang s lwong tivi trung binh gui trong kho bang mot nua so tivi cua mdi lan dat
hang. Nhu vay ctra hang nén dat hang nha san xuit bao nhiéu lan mdi ndm va mdi 1an dat bao
nhiéu cai dé chi phi hang ton kho 14 thap nhat ?
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2D1-BT37:Bai toan thuwe té chwa XD md hinh. When the student is ready , the teacher will appear.

A. 20 lan moi nam va 90 cai moi lan. B. 25 lan moi nam va 110 cai moi lan.
C. 25 1an moi nam va 120 cai moi lan. D. 25 lan moi nam va 100 cai moi lan.

Ciau 18. Cong ty xe khach Gin-Bo du dinh ting gid vé trén mdi hanh khach. Hién tai gia vé 1a 50.000
VND mét khach va ¢6 10.000khach trong mot thang. Nhung néu ting gia vé thém 1.000 VND
mot hanh khéach thi s6 khach s& giam di 50nguoi mdi thang. Hoi cong ty sé ting gia vé 1a bao
nhiéu ddi véi mot khach dé co 1oi nhuan 16n nhéat?

A. 50.000 VND. B. 15.000 VND. C. 35.000 VND. D. 75.000 VND.

Cau 19. Mot cong ty bat dong san c6 50can ho cho thué. Biét rang néu cho thué mdi cin hd véi gia
2.000.000 ddng mot thang thi moi can hd déu c6 ngudi thué va cir mdi lan ting gia cho thué, mdi
can ho thém 50.000 ddng mot thang thi c6 thém mot can ho bi bo tréng. Cong ty da tim ra phuong
an cho thué dat loi nhuén 16n nhét. Hoi thu nhap cao nhét cong ty co thé dat dugc trong mot thang
la bao nhiéu?

A. 115.250.000. B. 101.250.000. C. 100.000.000. D. 100.250.000.

Céau 20. Mot cira hang ban budi Poan Hung cia Phi Tho véi gia ban mdi qua la 50.000ddng. Véi gia
ban nay thi cua hang chi ban dugc khoang 40 qua budi. Cura hang nay du dinh gidm gia ban, udc
tinh néu cira hang cr giam mdi qua 5000dong thi s6 budi ban duge ting thém 1a 50 qua. Xéc
dinh gia ban dé cira hang d6 thu dugc loi nhuan 16n nhét, biét rang gia nhap vé ban dau mdi qua
1a 30.000dong.

A. 44.000d . B. 43.000d . C. 42.000 @ . D. 41.000d.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai todn thue té chwa XD md hinh.

D. BAI TAP REN LUYEN

Cau l.

Cau 2.

Cau 3.

Puong day dién 110KV kéo tir tram phat (diém A ) trong dét lién ra Con Dao (diém C). biét
khoang cach ngin nhat tir C dén B 1a 60km , khoang cach tir 4 dén B 1a 100km , mdi km day
dién dudi nudc chi phi la 5000USD, chi phi cho mdi km day dién trén bo 1a 3000USD . Hoi
diém G cach A bao nhiéu dé mac day dién tir 4 dén G 10itit G dén C chi phi it nhat.

A. 40km B. 45km C. 55km D. 60km

Duong ddy dién 110 KV kéo tir tram phat ( diém A) trong dat lién ra Con Pao ( diémC). Biét
khoang cach ngin nhét tir diém C dén diém B trén dét 1ién 1a 60km, khoang cach tir A dén B 1a
100km, goc ABC bang 90°. Mdi km day dién dudi nude chi phi 1a 5000 USD, chi phi cho mdi
km day dién trén bo 12 3000 USD. Hoi diém G cach A bao nhiéu dé méc day dién tir A dén G rdi
tir G dén C chi phi it nhat.

100 km

A. 55 km. B. 40 km. C. 60 km. D. 45 km.

Mot nguoi can di tir khach san 4 bén bo bien dén hon dao C. Biét ring khoang cach tr ddo C
dén bo bién 1a 10km, khoang cach tir khach san A4 dén diém B trén bo gan dao Cnhat 1a 40km
. Ngudi d6 c6 thé di duong thuy hodc di duong bo ri di duong thuy (nhu hinh vé bén). Biét kinh
phi di duong thuy 1a 5 USD/km, di duong bo 1a 3 USD/km . Hoi ngudi d6 phai di duong bo
mot khoang bao nhiéu dé kinh phi nho nhat? (4B = 40km , BC =10km)

C
A &
D B
A. 10km. B. 6—25km C. 40km. D. %km
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2D1-BT37:Bai toén thue té chwa XD md hinh. When the student is ready , the teacher will appear.

Cau4. Mot ngon hai dang duoc dat tai vi tri A4 cach bo bién mot khoang AB =5km Trén bo bién c6
moét cai kho o vi tri Ccach B mot khoang 7 km . Nguoi canh hai ding co thé chéo do tir 4 dén
dia diém M trén bo bién véi van toc 4 km/h, rdi di bo dén C véi van toc 6 km/h . Hoi can dit vi
tri cia M cach B mot khoang bang bao nhiéu km dé ngudi dé dén kho nhanh nhat?

A
5 b
M
pH C
7 b
A. 5,5 km. B. 24/5 km. C. /5 km. D. 4,5km .

Cau 5. Mot cai hod rong c6 hinh chit nhat. Tai mdt goc nho cua hd nguoi ta dong mot cai coc o vi tri K
cachbd AB1a 1 m va cach bd AC1a 8 m, rdi dung mot cdy sao ngan mot goc nho cua hod dé tha
béo (nhu hinh v&). Tinh chiéu dai ngin nhat cta cdy sao dé cdy sao co thé cham vao 2bd AB,
AC va cay coc K (bo qua duong kinh ctia sao).

Ai B. 5v/5. C. 2. 1)i

4 4
Cau 6. Tinh chiéu dai nho nhét ctia cai thang dé n6 co thé dua vao tuong va mit dat, bic qua cot d& cao
4m . Biét cot d& song song va cach tuong 0,5m , mit phang chira tuong vudng goc voi mat dat
—nhu hinh v€, bé qua d¢ day cua cot do.

thang
Tlr("rng C(}t
Do
Mat dat
NS B 3 .2 p. V5.
2 2 2 2

Cau 7. Cho hinh chir nhat c6 dién tich bang 100(cm?) . Hoi mdi kich thudc ctia nd bang bao nhiéu dé
chu vi ctia n6 nho nhat?
A. 10cmx10cm B. 20cmx5cm C. 25cmx4cm D. Dap an khac
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai toén thue té chwa XD md hinh.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cho mot tim nhom hinh vuéng canh 6 cm. Ngudi ta mudn cat mot hinh thang nhu hinh vé.

A 2¢em E B A 2cm E: B
X cm xcm 3cm
H Hs
3 cm
F
D C ¥
G ycam D G y cm ¢

Tim tong x+ y dé dién tich hinh thang EFGH dat gia tri nho nhat.
A.7 B.5 C. # D. 42.

Trong linh vyc thuy loi, can phai xay dung nhiéu muong dan nuéc dang "Thuy dong hoc" (Ky
hiéu dién tich tiét dién ngang cua muong 1a S, ¢ 1a d0 dai duong bién gidi han cia tiét dién nay,
¢ - dac trung cho kha ning thim nudc cia muwong; muwong dyoc goi 1a ¢6 dang thuy dong hoc
néu véi S xéc dinh, ¢ 1a nhé nhat). Can x4c dinh céc kich thudc cliia muong dan nuée nhu thé
nao dé co dang thuy dong hoc? (néu muong dan nude cd tiét dién ngang 14 hinh chir nhat)

A.xzm,yz\/g B.xzm,yz\/g

C.xzx/ﬁ,yz\/g D.xzx/ﬁ,yz\/g

Ngudi ta mudn lam mot canh diéu hinh quat sao cho v&i chu vi cho truée 1a a sao cho dién tich
cua hinh quat 1a cuc dai. Dang cta quat nay phai nhu thé nao?

a a a a a 2a
A x=—;y=— B.x=—;y=— C.x=—;y=— D. Dap an khac

4 2 3 3 6 3
Tim dién tich 16n nhét cua hinh chit nhat noi tiép trong ntra duong tron ban kinh 43fp , biét mot
canh cta hinh chit nhat nam doc trén duong kinh cia duong tron.

10 em

o]
A. ;3fp° B. 433fp° C. 493fp° D. 533fp°

Trong cac tam giac vuong cé tong cia mdt canh gdc vuong va canh huyén la a (a > 0) , tam giac
¢0 dién tich 16n nhat la
2 2 2 2

C. D.

"5J6 NG 635 - 63
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Ong An c6 mot khu dét hinh elip v&i d6 dai truc 16n 10m va do dai truc bé 8 m. Ong An mudn
chia khu dat thanh hai phan, phan thir nhat 13 mot hinh chit nhat ndi tiép elip dung dé xay bé ca
canh va phan con lai dung dé trong hoA. Biét chi phi xdy bé ca la 1000000 ddng trén 1m?va chi
phi trdng hoa 1a 1200000d6ng trén 1m?*. Hoi ong An c6 thé thiét ké xay dung nhu trén véi tong
chi phi thap nhat gan nhat vi s6 nao sau day?

A. 67398224 dong. B. 67593346 dong.  C. 63389223dong.  D. 67398228ddng.

Béc tho han ding mot thanh kim loai dai 250 cm dé udn thanh khung cira s6 c6 dang nhu hinh
v€. Goi rla ban kinh ctia ntra duong tron, tim 7 dé dién tich tao thanh dat gia tri lon nhét.

A.@cm. B.Ecm. C.ﬂcm. D. 125
4 4 T+4 44+

cm

Ban A ‘cc') mot doan day mém va déo khQng dan hdi 20 m, ban chia doan day thanh hai phﬁn,

phan dau gap thanh mdt tam giac déu. Phan con lai gap thanh mot hinh vudng. Héi d¢ dai phan

dau bang bao nhiéu (m) dé tong dién tich hai hinh trén 14 nho nhét ?

A. 120 m. B.im. C.&m. D.Lm.
9+443 9+43 9+43 9+443

Mot soi day kim loai dai 60cm duoc cit thanh hai doan. Poan thir nhat duoc uén thanh mét hinh

vudng, doan thir hai duoc udn thanh mot vong tron. Hoi khi téng dién tich cua hinh vuéng va
hinh tron & trén nho nhat thi chidu dai doan day udn thanh hinh vudéng bang bao nhiéu (Iam tron
dén hang phan trim)?

A. 33,61cm B. 26,43cm C. 40,62cm D. 30,54cm

Tir mot tAm bia hinh vuéng ABCD c6 canh bang 30cm ngudi ta gip theo cac doan MN, PQ sao
cho 4D, BC trung nhau dé tao thanh mot hinh lang tru bi khuyét 2 day nhu hinh minh hoa du¢i
day

D N 7] NS0
¢ o

Dé thé tich cua khdi lang tru twong ing véi hinh ling tru tao thanh 14 16n nhat thi gia tri cua x
bang

A. 8cm. B. 9cm . C.10cm. D. 5cm.
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cho mdt tim nhom hinh vuéng canh 12 (cm) . Ngudi ta cat & bon goc cia tim nhom d6 bdn hinh
vudng b?mg nhau, mdi hinh vudng c6 canh bing x(cm) roi gép tAm nhom lai dé duoc cai hop

khong nip (tham khao hinh v& bén). Tim x dé hop nhan dugc c6 thé tich 16n nhat (giai thiét bé
day tim ton khong dang ké).

A. x=2. B. x=3. C.x=4. D. x=6.

Nhén ngay phu nit Viét Nam 20 -10 ndm 2020 , éng A quyét dinh mua ting vo mot mon qua va
dit nd vao trong mot chiéc hop co thé tich 1a 32 ( dvtt ) c6 day hinh vuong va khong co nip . Bé
mon qua tré nén that dac biét va xung dang voi gia tri cua nd ong quyét dinh ma vang cho chiéc
hop , biét rang d6 day 16p ma tai moi diém trén hop 1a nhu nhau . Goi chiéu cao va canh day cua
chiéc hop lan luot 13 h;x . Dé luong vang trén hop 1a nho nhat thi gia tri cia  h;x phaila ?

A. x=2h=14 B. x=4,h=2 C.x:4;h:§ D. x=1h=2

Ngum ta mudn thiét ké mot bé ca theo dang khéi lang tru tir glac déu, khong co nap trén, lam
bang kinh, the tich 8 m*. Gia mdi m? kinh 1a 600.000 dong/m?*. Goi t1a sb tién toi thiéu phai
tra. Gid tri ¢x4p xi v6i gia tri ndo sau day ?

A. 11.400.000d6ng.  B. 6.790.000 dong.  C. 4.800.000 dong.  D. 14.400.000 dong.

(TQA)C6 mot tAm nhém hinh vudng canh 12¢m. Ngudi ta cit & bén goc ciia tim nhom dé bdn
hinh vuéng bang nhau, mdi hinh vuéng c6 canh bang x(cm)roi gip tim nhom lai nhu hinh vé
dudi day dé dugc mot cai hop khong ne'ip. Tim x dé hinh hp nhan dugc cod thé tich 16n nhat.
A. x=6 B. x=3 C.x=2 D. x=4

Mot Bac nong dan can xdy dung mot hd ga khong c6 nip dang hinh hop chir nhat co thé tich
3200cm’ , ti s gitra chiéu cao ciia hd va chiéu rong cua day bang 2. Hiy xac dinh dién tich cta
day hé ga dé khi xay tiét kiém nguyén vat liéu nhét?

A. 1200cm’ B. 160cm’ C. 1600cm* D. 120cm®

Mot nguoi nong dan co 15.000.000 dong mudn lam mét cai hang rao hinh chit E doc theo mot
con song (nhu hinh v&) dé 1am mot khu dat c6 hai phan chit nhat dé trong rau. D6i véi mat hang
rao song song véi bd séng thi chi phi nguyén vat lidu 1a 60.000 dong mot mét, con ddi véi ba
mit hang rao song song nhau thi chi phi nguyén vat liéu 1a 50.000 dong mot mét. Tim dién tich
16n nhét cua dét rao thu duoc

—
—
—
—

17

A. 3125m”. B. 50m*. C. 1250m*. D. 6250m>.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Mot bac nong dan can xay dyng mot hd ga khong c6 nap dang hinh hdp chir nhat c6 dung tichla
3200cm’, ti sd giita chiéu cao ctia hd va chiéu rong ctia day bang 2 . Hay xac dinh dién tich cia
day hé ga dé khi xay tiét kiém nguyén vat liéu nhét?

A. 1200cm”. B. 120cm’. C. 160cm’. D. 1600cm’ .

Ong A du dinh st dung hét 5m”kinh dé lam bé c4 bang kinh c6 dang hinh hop chit nhat khong
nap, chiéu dai gip doi chiéu rong (cac mbi ghép co kich thude khong dang ké). Bé c4 co thé tich
16n nhat bang bao nhiéu (két qua lam tron dén hang phan trim)?

A. 1,0lm’. B. 1,51m’. C.1,33m’. D. 0,96m’.

Anh Minh mudn xay dung mot h ga khong ¢ nip ddy dang hinh hop chit nhét c6 thé tich chira
dugc 3200cm’, ti s giita chiéu cao va chiéu rong ciia hd ga bang 2 . Xéc dinh dién tich day cua
hé ga dé khi xay ho tiét kiém dugc nguyén vat liéu nhat.

A. 170cm’. B. 160cm”. C. 150cm’. D. 140cm’.

Mot ngudi c6 mot dai ruy bang dai 130cm, nguoi d6 can boc dai ruy bang d6 quanh mot hop qua

hinh try. Khi boc qua, ngudi nay dung 10cm cua dai ruy bang dé thé} no o trén n?f}p hop (nhu hinh
v€ minh hoa). Hoi dai day duy bang c6 thé boc dugc hop qua cé thé tich 16n nhat 1a 1a nhiéu ?

A. 40007 cm? B. 10007 em? C. 2000 cm? D. 16007 cm?®

Mot xuong co khi nhan 1am nhiing chiéc thung phi vai thé tich theo yéu cr:flu 1a 20007 lit moi
chi’éC. Hoi ban kinh day va chiéu cao cta thung lan lugt bang bao nhiéu dé tiét kiém vat liéu
nhat?

A. lm va 2m B. ldm va 2dm C.2m va Im D. 2dm va ldm

Mot nguoi dy dinh 1am mot bé chira nue hinh try bang inde c6 nip day véi thé tich 1(m?). Chi
phi moi m? day 1a 600 nghin dong, moi m? nap 1a 200 nghin dong va moi m? mat bén 1a 400
nghin dong. Hoéi ngudi do chon ban kinh bé 1a bao nhiéu dé chi phi lam bé it nhat?

A. 27 . B.i/%. C.3L. D.3l.

27 T

Véi mot dia tron bang thép trang ¢ ban kinh R = Jom phai 1am mot cai phéu bang cach cat di
mot hinh quat cta dia ndy va gép phan con lai thanh hinh tron. Cung tron cua hinh quat bi cit di
phai bé'mg bao nhiéu do dé hinh non c¢6 thé tich cuc dai?

A. = 66° B. =~ 294° C.~12,56° D. =~ 2,8°
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Nha Nam c6é mdt chiéc ban tron c6 ban kinh bang V2 m. Nam muén méc mot bong dién ¢ phia
trén va chinh giira chiéc ban sao cho mép ban nhan dugc nhiéu anh sang nhat. Biét rang cuong

. - o A A . sina ., e
do sang C cua bong dién dugc bicu thi bdi cong thiic C=c¢ B (ovla goc tao bai tia sang toi

mép ban va mit ban, ¢ - hiang s ty 1& chi phu thudc vao ngudn sang, / khoang cach tir mép ban
toi bong dién) . Khodng cach nam can treo bong dién tinh tir mat ban 1a
A. Im B. 1,2m C.1.5m D.2m

Mot xudng in cd 8 may in, mdi may in dugc 3600ban in trong mot gid. Chi phi dé van hanh mot
méy trong mdi lan in 1a 50nghin dong. Chi phi cho n may chay trong mét gid 1a 10(6n +10)
nghin dong. Hoi néu in 50000t quang cao thi phai sir dung bao nhiéu may in dé duoc 14i nhidu
nhat?

A. 4 may. B. 6 may. C. Smay. D. 7 may.

Khi nudi ca thi nghiém trong hd, mot nha sinh vat hoc théy réng - Néu trén mdi don vi dién tich
ctia mit hd ¢6 n con ca thi trung binh mdi con ca sau mot vu can ning P(n) = 480 — 20n(gam) .
Hoi phai tha bao nhiéu con ca trén mot don vi dién tich cua mat hd dé sau mot vu thu hoach duge
nhiéu c4 nhét ?

A. 10 B. 12 C. 16 D. 24

Mot chuyén xe bus c6 strc chira toi da 1a 60 hanh khach. Néu mot chuyén xe ché x hanh khéc
2
thi gid cho mdi hanh khach 1a (3 —%) $. Chon cau dung:

A. Xe thu dugc 1oi nhuan cao nhat khi c6 60 hanh khach.
B. Xe thu dugc loi nhudn cao nhat bang 135$.

C. Xe thu dugc loi nhudn cao nhét bang 160$.

D. Khong c6 dap an dung.

Mot cira hang ban 1& ban 2500 cai ti vi mdi nam. Chi phi goi trong kho 12 10$ mot cai moi nam.
Dé dat hang chi phi cd dinh cho mdi 1an dat 1a 208 cong thém 9$ mdi cai. Cira hang nén dit hang
bao nhiéu lan trong mdi ndm va mdi 1an bao nhiéu cai dé chi phi hang ton kho 14 nhé nhat?

A. 23500 B. 1223500 C. 43500 D. 24500

Mot doanh nghiép tu nhdn A chuyén kinh doanh xe gén may cac loai. Hién nay, doanh nghiép dang
tap trung chién luoc vao kinh doanh xe honda Future Fi v6i chi phi mua vao mét chiéc 12 27 (triéu
dong) va ban véi gia 31 (tricu dong) mdi chiéC. Vi gid ban nay thi sO lugng xe ma khach hang s&
mua trong mot nam 1a 600 chiéC. Nham muyc tiéu ddy manh hon nira luong tiéu thy dong xe dang
an khach nay, doanh nghiép du dinh giam gia ban va udc tinh rang néu giam 1 (triéu dong) mdi
chiéc thi s6 luong xe ban ra trong mot nam sé& tang thém 200 chiéC. Vay doanh nghiép phai dinh
gia ban méi 14 bao nhiéu dé sau khi da thyc hién giam gia, loi nhuan thu duoc s& 1a cao nhat (don
vi triéu dong ) ?

A. 30,5. B. 305. C. 40,5. D. 30.

Giam ddc mot nha hat A dang phan van trong viéc xac dinh mirc gia vé xem cdc chuong trinh
dugc trinh chiéu trong nha hat. Viéc nay rat quan trong no s& quyét dinh nha hat thu duoc bao
nhiéu loi nhuén tur cac budi trinh chiéu. Theo nhitng cudn sé ghi chép ciia minh, ong ta xac dinh
dugc rang: néu gia vé vao cira 1a 20 USD/ngudi thi trung binh c6 1000ngudi dén xem. a hung
néu ting thém 1USD/ngudi thi s& mat 100khach hang hodc giam di 1USD/nguoi thi s& ¢6 thém
100khach hang trong s6 trung binh.Biét ring, trung binh, mdi khach hang con dem lai 2 USD
loi nhuan cho nha hat trong cac dich vu di kém. Hay giup giam ddc nha hat nay xac dinh xem
can tinh gia vé vao cira 1a bao nhiéu dé thu nhap 14 16n nhat.

A. 18 USD/nguoi. B. 19USD/nguoi. C. 14 USD/nguoi. D. 25 USD/nguoi.
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Cau38. 4ha xe khoén cho hai tai xé ta-xi An va Binh méi ngudi lan luot nhfm 321it va 72 lit xang. Hoi
tong so ngay it nhat 1 bao nhiéu dé hai tai xé chay tiéu thu hét s6 xing cua minh duoc khoan,
biét rang chi tiéu cho hai ngudi mot ngay tong cong chi chay du hét 101it xang?

A. 20 ngay. B. 15 ngay. C. 10 ngay. D. 25 ngay.
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BAI 37: BAI TOAN THU'C TE CHUA XAY DUNG MO HINH .

A.LY THUYET:
Bai toan :
Bdi todn thuc té tim giad tri [om nhat, nhé nhat chwa xay dung moé hinh ham.
MGt s6 phan kién thirc nam ¢ cdc chwong sau nén thay chi ldy bai & chwong 1 théi nhé
Phuong phap:
PHANI BAI TOAN VE QUANG PUONG
PHANII  BAI TOAN VE DIEN TiCH HiNH PHANG
PHANIII  BAI TOAN LIEN HE DIEN TiCH, THE TiCH
PHANIV  BAI TOAN VE LAI SUAT NGAN HANG
PHAN V BAI TOAN LIEN QUAN PEN MU, LOGARIT
PHAN VI  BAI TOAN LIEN HE TiCH PHAN, MOI QUAN HE PAO HAM - NGUYEN HAM
PHAN VII BAI TOAN KINH TE

Xac dinh moi quan hé cac dai lugng (dai lugng dé bai cho va dai luong can tim gia tri lon nhét, nho nhét).

» Quy bai toan thuc té vé bai toan tim gia tri 16n nhét, nho nhat cta ham sb.

» Lap bang bién thién tim gia tri 16n nhat nho nhat cta dai luong can xét.
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B. Vi DU MINH HQA

Cau 1.

Cau 2.

Cau 3.

Khi qua bong dugc dé 1én, nd s& dat do cao nao dé rdi roi xudng dat. Biét rang quy dao cia qua
bong 1a mot cung parabol trong mit phing voi hé toa d6 Oth , trong d6 ¢ 1a thoi gian (gidy) ké
tir khi qua bong duoc da 1én; & 13 do cao (mét). Gia thiét qua bong duoc da tir 46 cao Im va dat
dugc d6 cao 6m sau 1 gidy dong thoi sau 6 gidy qua bong tré vé do cao lm. Hoi trong khoang
thoi gian 5 gidy, ké tir ltic bat dau dugc da, do cao 16n nhat cua qua bong dat duoc 1a bao nhiéu?
A. 9m. B. 10m.

C. 6m D. 13m.

Mot dot hoi trai “Khi t6i 18” duogc t6 tai truong THPT Pleiku, Poan truong co6 thuc hién du an
anh trung bay trén mot pano c6 dang hinh parabol nhu hinh v&. Biét rang Poan trudng s& yéu
cAu céc 16p gtri hinh dy thi va dan 1én khu vyc hinh chit nhat ABCD phﬁn con lai s€ dugc trang
tri hoa van cho phul hop. Chi phi trang tri hoa vin 1a 100.000 dong cho mot m* bang. Hoi chi

phi f ’(x) thap nhét cho viéc hoan tat hoa vin trén pano sé& 1a bao nhiéu (lam tron dén hang

nghin)?
A. 615000 (dong). B. 440000 (dong).
C. 451000 (dong). D. 606000 (dong).

Mot birc tudng cao 2m nam song song voi toa nha va cach toa nha 2m . Ngudi ta mudn ché tao
mot chiée thang bic tir mat dat bén ngoai buc tudng va cham vao toa nha (xem hinh v&). Hoi
chiéu dai tdi thiéu cta thang bang bao nhiéu mét?

Toa nha

thang

2
m_2m

A. #m B. 4V2m.
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C. 6m D. 3/5m.

Caud. tirmot miéng ton hinh ban nguyét c6 ban kinh R =3, nguoi ta muonl cit ra mot hinh chir nhat
(xem hinh) ¢6 dién tich 16n nhét. Dién 16n nhét c6 thé c6 cua miéng ton hinh chir nhat la:

A. 643

C.7 D. 9.

Cau 5. Mot ngon hai dang dat & vi tri 4 cach bo bién mot khoang AB =5 (km) . Trén b bién c6 mot cai
kho ¢ vi tri C cach B mot khoang la 7(km) Ngudi canh hai ding c6 thé chéo do tir 4 dén vi
tri M trén b bién véi van tde 4(km / h) 161 di bo dén C véi van tée 6(km / h) . Vi tri cua diém

M cich B mot khoang gan nhét véi gia tri nao sau day dé nguoi d6 dén kho nhanh nhat?

A
4
5 k.
:'
g8
A M___L
7 ki
A. 0,0(km). B. 7,0(km).
C. 4,5(km) D. 2,1(km).
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C. BAI TAP TREN LOP

Caul. Thay T6 Qudc An dang & khach san A bén bo bién, ¢6 can di du lich dén hon dao C . Biét rang
khoang cach tir dao C dén b bién 1a 10 km , khoang cach tir khach san 4 dén diém B trén bo
gan dao Cla 50 km . Tir khach san 4, Thiy T6 Qudc An c6 thé di dudng thity hodc di duong
b 10i di duong thuy dé dén hon dao C (nhu hinh vé& bén). Biét rang chi phi di duong thuy 1a 5
USD/km, chi phi di duong bo 1a 3 USD/km. Hoi Thay Té Qudc An phai di duong bo mot khoang
bao nhiéu km dé chi phi 14 nho nhét.

A. %(km). B. %(km). C. 50(km). D. 10426 (km).
C
10 km
A (50 %) km D xkm B
Loi gidi

Goi AD 1a quing duong Thay T6 Qudc An di dudng bd.

bat DB = x(km)(O <x< 50) = AD = 50—x(km) .

Chi phi ctia Thiy T6 Quéc An: f(x)=(50-x)3++/x*+10°.5 (USD)
f(x) lién tuc trén [0;50].

—3Vx*+100 +5x

X
24100 X2 +100

Taco f'(x)=-3+5.

XZO XZO XZO
"(x)=0 < -3Jx*+100 +5x =0 < =N o )
/() {9(x2+100):25x2 xzz% x=%

Taco f(0)=200; f(50)=5026; f[%) =190
A . ror A 3 15
Deé chi phi it nhat thi x= PR

Vay Thay T6 Qudc An phai di duong bd mot khoang: AD =50 —% = 8—25(km) dé chi phi it nhat.
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Cau 2.

Cau 3.

C
A . B

50 km

Mot cong ty mudn lam mot dudong dng dan tir mot diém A trén bo dén mot diém B trén mot
hon dao. Hon dao cach bo bién 6km . Gia dé xay duong dng trén b 1a 50.000USD mdi km , va
130.000USD mbi km dé xiy dudi nugC. B’ la diém trén bo bién sao cho BB’ vudng goc voi
bo bién. Khoang cach tir 4 dén B’ 1a 9%km . Vitri C trén doan AB’ sao cho khi ndi dng theo
ACB thi s6 tién it nhat. Khi d6 C cach 4 mot doan bang:

E ddo \‘)

g
: bién

6km |
|
I
& )
B’ bo bién Ykm A

A. 6.5km B. 6km. C. Okm. D. %m .

Loi giai

bat x=B'C (km),x €[0;9]
BC=+x"+36,4C=9—x

Chi phi xdy dung duong éng 1a C(x) =130.000x +36 +50.0009—x)  (USD)

Ham C(x), xac dinh, lién tuc trén [0;9] va C'(x) = 10000.(13—)6—5)
Vx? +36
C'(x) =0 13x =5Vx> +36 < 169x =25(x* +36) < x° =§<:>x=§

C(0) =1.230.000 ; C(gj =1.170.000; C(9) ~1.406.165

Vay chi phi thap nhat khi x =2,5. Vay C can cach 4 mot khoang 6,5km.

Mot ngudi dan 6ng mudn chéo thuyqén & vi tri At6i diém B vé phia ha luu bo dbi dién, cang
nhanh cang tot, trén mot bo song thang rdng 3 km (nhu hinh v€). Anh c6 thé chéo thuyén cua
minh truc ti@;p qua séng‘dé dén Cva sau d6 chay dén B, hay c6 thé chéo tryc tiép df:n B ,,hoa_'lc
anh ta c6 thé S:héo thuyén dén mot diém D gitra Cva B va sau do chay’dép B . Biét anh ay c6
the cheo thuyén 6 km/h, chay 8 km/h va quang duong BC =8 km . Bict toc do cua dong nudc
1a khong dang ké so véi toc d chéo thuyén ctia ngudi dan ong. Tinh khoang thoi gian ngan nhat

(don vi: gid) dé ngudi dan ong dén B.
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C

A2 B. . .@. g1+ﬂ.
2 J7 6 8
Loi giai

O Cach 1: Anh chéo thuyén ctia minh tryc tiép qua séng dé dén C va sau d6 chay dén B

. 3 .
Thoi gian chéo thuyén trén quang duong AC : 5 =0,5(gio)

8
Thoi gian chay trén quang duong CB': 3 =1(gio)

Téng thoi gian di chuyén tir 4 dén B1a 1,5 (gio).

V73

O Cach 2: chéo tryc tiép trén quing duong AB =+/3>+8% = J73 mét e ~1"26'.

O Céch 3:

<&Iﬁ:li”::

QO
|
I

X unx-9y WX

Goi x (km) la d¢ dai quang duong BD; 8—x (km) la ¢ dai quang duong CD.

2

.. 3 +9
Thoi gian chéo thuyén trén quing duong 4D =+/x* +9 1a x6 (gio)
Thoi gian chay trén quang duong DB la ;x (gi0)

2
2 . . 2 z +9 8-
Tong thoi gian di chuyén tr 4dén Bla f (x) = x6 + 2 al
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xX*+9 8
+
6

Xét ham s6 f(x) = ;x trén khoang (0; 8)

=03WxX'+9=4x = x= 0

5 f(x)e—2 L. g 2
Tacof(x)—6m 8,f(x) N

Béng bién thién

0 = 8
! J7
/(%) -0 4
3\ A3
2 6
/(%)
\/7

7

Duya vao BBT ta thy thoi gian ngan nhét dé di chuyén tir 4 dén B la l+? ~1"20".

J7

Vay khoang thoi gian ngan nhét dé ngudi dan 6ng dén B la 1+? ~1"20".

Cau4. Vong quay mat troi — Sun Wheel tai Cong vién C}}éu A, P4 Niang c6 duong kinh IQO m, quay hét
mot vong trong khoang thoi gian 15 phut. Luc bat dau quay, mot nguoi ¢ cabin thap nhat (d9 cao
0 m). Hoi ngudi d6 dat duge do cao 85 m lan dau tién sau bao nhiéu gidy ( lam tron dén 1/10 gidy)?
A. 336,1s. B. 382,5s. C. 380,1s. D. 350,5s.

Loi giai
Xét trong thoi gian mot vong quay cua cabin dang & vi tri thip nhat.
o : . . . 15
Ta c6 thoi gian dé cabin dat vi tri cao nhat 100 m 1a ?.60 =450 s.

Suy ra f(x) =%x =%x1a thoi gian dé cabin dat dén d6 cao x m, (0<x<100).

Nén cabin dat d0 cao 85 m 1an dau tién sau f(85) = %.85 =382,5s.

Cau 5. Mot ldo ndng chia dit cho con trai dé ngudi con canh tic riéng, biét ngudi con s& duoc chon
miéng dat hinh chir nhat ¢6 chu vi bang 800(m). Hoi anh ta chon mdi kich thudc ctia nd bang
bao nhiéu dé dién tich canh tac 16n nhat?

A. 200m x200m B. 300m x100m C. 250mx150m D. Bép an khac

Loi giai
Chon A
Goi chiéu dai va chiéu rong cia miéng dat 1an luot 1a: x(m) va y(m) (x,y>0).
Dién tich miéng dat: S =xy

Theo dé bai thi: 2(x + y) =800 hay y=400—x. Do do: S=x(400 — x) = —x* +400x vOi x>0
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Cau 6.

Cau 7.

Dao ham: S'(x)=—-2x+400. Cho y'=0< x=200 .
Lap bang bién thién ta duge: S =40000 khi x =200 = y = 200.

Két luan: Kich thudc ciia miéng dat hinh chir nhat 1a 200 x 200 (12 hinh vuong).

Ngudi ta mudn rao quanh mot khu dét véi mot s6 vat liéu cho trude 1a 180 mét thang hang rao.
O d6 ngudi ta tin dung mot bo gidu co san d€ lam mot canh ctia hang rao va rao thanh manh dat
hinh chir nhat. Héi manh dat hinh ch@t nhat dugc rao c6 dién tich 16n nhat bang bao nhiéu?

A. S, =3600m B. S, =4000m’ C. S, =8100m’ D. S, _=4050m"
Loi giai

Chon D

Goi x la chiéu dai canh song song v&i bo gidu va yla chiéu dai canh vudng goc véi bo giau,

theo bai ra ta co x+2y =180. Dién tich cua miéng dat la S = y(180 —2y).

1 (2y+180—-2y)*  180°

Ta c6: y(180 —2y) = %-2y(180—2y) <3 ; — 4050

Diu "=" xdy ra < 2y=180—2y < y = 45m.
Vay S, =4050m" khi x =90m,y = 45m.

Tinh dién tich 16n nhat S, cta mot hinh chit nhat ndi tiép trong nira duong tron ban kinh
R =6cmnéu mot canh cua hinh chir nhat nam doc theo duong kinh cia hinh tron ma hinh ch
nhat d6 ndi tiép.

A. S, . =36rcm’. B.S . =36cm’. C.S . =9%zcm’. D.S__=18cm’.

Loi giai

D O x (
Goi hinh chir nhat can tinh dién tich [a ABCDc6 OC = x (0 <x< 6) ,OB=6.

Khi d6 dién tich cta hinh chit nhat ABCD1a: S = AB.BC =2xy36-x" = f(x).
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Dién tich 1én nhét cta hinh chir nhat 4BCD1a gia tri lon nhat cia f (x) =2xv36—x" trén
(O; 6) .

2x? _ —4x*+72
V36—x*  36-x*
x=32¢ (0;6)
x:—3\/§§£(0;6).

f'(x)=2 36—x% —

f'(x)=0<:>[

BBT
x 0 3.2 6
/(%) i 0 B
36
f(x) . / \ .

Ta co: r(r&;ag);f(x) =36.

Vay S, =36cm’.

Cau8. Co6 mot tim gd hinh vudng canh 200 cm. Cat mot tam gd co hinh tam giac vudng, c6 tong cua
mot canh goc vudng va canh huyen bang hang s 120 cm tr tam g0 trén sao cho tdm gd hinh tam
gidc vudng c6 dién tich 16n nhat. Hoi canh huyén cta tim gd nay 1a bao nhiéu?

A. 40cm . B. 40\3cm . C. 80cm . D. 40\2cm.
Loi gidi

Chon C

Ki hiéu canh goc vuong 4B = x,0< x <60

Khi d6 canh huyén BC =120 x , canh goc vuong kia la AC = BC? — AB> =120 —240x
Dién tich tam gidc ABC la: S(x)= %x.\/1202 —240x . Ta tim gi4 trj 16n nhat ciia ham s nay

trén khoang (0;60)

Taco S,(x)= \/1202 240x ++ 2% 240 _ 1400-360x (1) =0 x=40
27 2120 —240x  24120° — 240«

Lap bang bién thién ta c6:

X 0 40 60
S'(x) + 0 -

%
S(x) S(40)

-

T
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Cau 9.

Tam giac ABC c6 dién tich 16n nhét khi . BC = 80

Mot soi ddy c6 chiéu dai 1a 6 m, duoc chia thanh hai phan. Phan thtr nhat dugc udn thanh hinh
tam giac déu, phan thir hai udn thanh hinh vuéng. Hoi do dai cta canh hinh tam giac déu bang
bao nhiéu dé dién tich hai hinh thu duogc 1a nhé nhat?

} |

1843
Y (m). B. m(m) C_.9+4\/§ (m). D. PO (m).

A.

Cach 1:
Goi canh tam giac déu 1 x khi d6 chu vi tam giac déu 12 3xva chu vi hinh vuéng 1a 6—3x

6—3x

va do dé canh hinh vudng c6 do dai 1a ,(0<x<2)

Tong dién tich hinh tam giac déu va hinh vudng 1a

23 (6-3x) (4V3+9)x*-36x+36
= —+ = =
4 ( 4 j 16

S

/(%)

18

43 +9°

Khéo sat ham s6 f(x) trén (0<x< 2) tathdy S < x=

Cach 2:
Goi x (m) 1a canh cua tam giac déu, (0 <x< 2) .

6—3x

Suy ra canh hinh vuong la

(m).
Goi Sla téng dién tich cua hai hinh thu duoc.

2£+[6—3sz'

S(x)zx.4 2

Taco: S'(x)=7x+2 2

3 6—3x.( 3)

Béng bién thién
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o

S'(x) -

S(x) \ /

1

8
9+43 (m)

Cau 10. Mot soi day kim loai dai 60cm dugc cit thanh hai doan. Poan day thir nhat uén thanh hinh vuong
canh a, doan day thir hai udn thanh duong tron ban kinh 7. Dé téng dién tich ciia hinh vudng

Duya vao bang bién thién, S dat gia tri nho nhét tai x =

1 ;o a . x
va hinh tron nho nhat thi ti s6 —bang:
r

\J

—
SF )
E

Goi chiéu dai doan day thtr nhat 1a: x (cm). Diéu kién: 0<x<60.
= chiéu dai doan day thir nhat la: 60—x (cm).

2
Dién tich hinh vudng la: S, =a* = Gj

2
Dién tich hinh tron 1a: S, = z7* = ﬂ.(6(;—x)
7

Téng dién tich ciia hinh vudng va hinh tron 1a:

2 2 2 _ 2 _ 2
S=S1+S2=(fj +7r(6g_xj =x—+(60 ) 2(x+60 x) _ 3600
T

16 4r 16+47r  16+4r1
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Cau 11.

Khi dé: S dat gia tri nho nhat bing — 200 khi va chi khi - = 00=% ¢ y = 240
16+ 47 16 4z T+4

60 30 a
= a= J=—=—=2.
T+4 T+4 r

Cho mét tim nhém hinh vudng canh l(m) nhu hinh v& dudi ddy. Nguoi ta cit phan to ddm cia
tam nhom roi gap thanh mot hinh chép tr giac déu c6 canh day bang x(m) , sao cho bdn dinh

cua hinh vudng gap lai thanh dinh cua hinh chop. Tim gia tri cua x dé khéi chép nhan duge co
thé tich 16n nhat.

V2 -x

Tir hinh vudng ban dau ta tinh duge OM = %,SIM =S0-OM = (0<x<~2)

2
Khi gap thanh hinh chop S.ABCD thi S, =Snéntaco SM =S M .

T dé SO =~/SM* —OM> :—“2_22‘/5". (Diéu kién O<x<%)

Thé tich khéi chép S.ABCD : Vg pep = %SABCD.SO = %)& J2-22x = %\/ 2x* —242x°

Ta thiy Ve 160 nhat khi f(x)=2x* —242x%, 0 < x < %dat gié trj 16n nhat

Taco f'(x)=8x"~1042x" = 2x* (4-5v2x)
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x=0
! J—
f(x)=0=] 22
x = —
5

Béng bién thién

&
ol

Vay: Vg iscp 160 nhat khi va chi khi x = ¥
Cau 12. Citba gbc cua mot tam gidc déu canh béng a cac doan béng x,(O <x< %J ph?m con lai lIa mot

tam gi4c déu bén ngoai 1a cc hinh chir nhat, roi gap cac hinh chir nhat lai tao thanh khdi lang try
tam giac déu nhu hinh v&. Tim d¢ dai x dé the tich khoi lang tru 16n nhat.

w |

X

N

Xét tam gidc AMI nhu hinh v, dit AM = x>0, MAI =30° = MI =
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Lang tru tam giac déu co canh day a—2x, (0 <x< %) , chiéu cao %nén thé tich khdi lang tru
(a- 2)6)2 NG X a’x—4ax® +4x°

4 Nl 4

laV=

Ta can tim x e (0; gj dé thé tich V dat gia tri lon nhat.
a
x=—
Xét f(x)=a’x—4ar’ +4x’, co f'(x)=12x"~8ax+a’ =0=| ©
a
x=—(!
(1)
x 0 a a
6 2
7 4 0 -

- A A 2,y c L1 X . a
Tur bang bien thién suy ra thé tich V dat gia tri 16n nhat khi x = re

Cau 13. Tir mot tam ton hinh chit nhat c6 kich thudc 40 cm va 60 cm nguoi ta ¢t bo bon hinh vudng &
bon gbc dé gap lai dugc mot cai hop khong nép.

60cm

40cm

Dé thé tich cua hop d6 16n nhét thi canh hinh vudng cit bo ¢ gia tri gan vai gia tri nao sau day?
A. 7,85¢cm. B. 15cm. C. 3,92cm. D. 18cm.

Loi giai
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Cau 14.

60-2x

bat canh hinh vuong citbola x, (0 <x< 20) .

Khi d6 thé tich hinh hop thu dugc 1a V = x(60 — 2x)(40 — 2x)

+

= V'=4(3x" =100x+600) = V' =0 < x:m.
Do 0<x<20nén x=ﬂ=xo.
Béng bién thién:

x [0 X, 20

V' + 0 —

Vmax

14

Vay thé tich cta khdi hop thu dugc 16n nhat khi x = w ~7,85cm.

Ban An la mét hoc sinh 16p 12, bd ban 1a mot tho han. BS ban dinh lam mot chiée thung hinh tru
tor m§t manh ton c¢6 chu vi 120 ¢cm theo cach dudi day:

Bing kién thirc di hoc em gitip bd ban chon manh t6n dé 1am duoc chiéc thing ¢ thé tich 16n
nhat, khi d6 chiéu dai, rong cua manh tén lan luot la:

A. 35cm;25cm B. 40cm;20cm C. 50cm;10cm D. 30cm;30cm
Loi giai
Chon B
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Cau 15.

Goi mot chiéu dai la x(cm) (0 < x <60), khi d6 chiéu con lai 1a 60 —x(cm) , gid sir quan canh c6
a3 2
chiéu dai I3 x lai thi bin Kinh déy 2 =—>—;h—60—x.Ta c6: V = mr*s :%60".
Yis i

Xétham sO: f(x)=—x" +60x%,x € (0;60)

=0

Fi(x)=—3x* +120%; f'(x) =0 & |
x =40

Lép bang bién thién, ta thdy f(x)=—x"+60x*,x € (0;60)16n nhat khi x=40. 60-x=20. Khi d6
chiéu dai 1 40 cm; chiéu rong 1a 20 cm.

Véi mot miéng ton hinh tron c¢6 ban kinh bang R = 6cm. Nguoi ta mubn lam mot cai phéu bang
cach cit di mot hinh quat cua hinh tron nay va gip phan con lai thanh hinh non ( Nhu hinh v&).
Hinh nén c6 thé tich 16n nhat khi ngudi ta cat cung tron cia hinh quat bang

A. 7[\/8 cm B. 67z\/8 cm C. 27z\/8 cm D. 87z\/6 cm
Loi giai
Chon B

S
Goi x (x>0) 1a chiéu dai cung tron cta phan dwgc xép 1am hinh nén.
Nhu vay, ban kinh R cua hinh tron s€ 1a duong sinh ctia hinh nén va duong tron day cia hinh

non s€ ¢o do dai la x.

Ban kinh r cia day duoc xac dinh boi dang thie 277 = x = r = 2i
T

Chiéu cao cua hinh nén tinh theo Pinh Iy Pitago la: h= \/R* — #* =

2 2
., y 1
Thé tich ctia khéi non: ¥ = —z > H = ﬁ(ij R -
3 3\ 2n Ax

Ap dung Bit dang thirc Cosi ta c6:

dr’ x* X X' 4Art| g1t 82 47> | _4x* R

V= —
9 8x* 8r’ 4
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2 2
X

DodéVlé’nnhétkhivéchikhigx—z =R - @x:z?”R\/E = x=6v67
T T

(Luu ¥ bai todn co thé sir dung dao ham dé tim gia tri 16n nhét, tuy nhién Léi giai bai toan s&
dai hon)

Céau 16. Mot cong ty du kién chi 1 ty dong dé san xuét cac thung son hinh tru c6 dung tich Slit. Biét ring
chi phi dé lam mat xung quanh thung d6 1a 100.000d/m2, chi phi dé lam mdi mat day cua thung
d6 1a 120.000d/m?. Hay tinh so thung son toi da ma cong ty d6 san xuat dugc (Gia st chi phi cac
moi noi khong dang ke).

A. 18.209 thung. B. 57.582thung. C. 12.525 thung. D. 58.135thung.
Loi giai

Ta co: 5lit =5dm? =Lm3.
200

Goi r(m) la ban kinh duong tron day cuia thung son hinh tru.

. 1
Thé tich thung son 1a: V =zr’h=——=h= >
200 2007zr
1 1 5
S =2nrh=2rr. > = , Sa=7re.
! 200zr* 100~

Chi phi dé san xuat 1 thung son la:

1 2 1.000 2 , 1
T(r)= 100 x100.000 +27z7° x120.000 = +240.00077" =1.000| 24077~ +— |.

r r r

2

3 —_—
T'(r)= 1.000(480m’ —izj - 1.000(M]

r r
, 1
T'(r)=0=>r=3
4807
Bang bién thién
r f1
© Vag0~ i
T’ - [i] +
r \
1500.3/480=
O e R 10° .
S6 thung son toi da l[a: ————==58.135thung.

1500:/4807
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Cau 17.

Cau 18.

Mot ctra hang ban 1¢ ban 2500 cai tivi mdi nam. Chi phi gui trong kho 1a 10USD mét cai mot
nam. Pé dat hang nha san xuét thi mdi lan chi phi ¢6 dinh 1a 20USD, cong thém 9USD mdi
chiéC. Biét rang s lwong tivi trung binh gui trong kho bang mot nua so tivi cua mdi lan dat
hang. Nhu vay cira hang nén dit hang nha san xuat bao nhiéu lan mdi nim va mdi 1an dat bao
nhiéu cai dé chi phi hang ton kho 1a thdp nhat ?

A. 20 lan mdi ndm va 90 cai méi lan. B. 25 lan mdi nam va 110 cai mdi lan.
C. 25 lan moi nam va 120 cai moi lan. D. 25 lan mo6i nam va 100 cai moi lan.
Loi giai

Goi x 1a s6 tivi mdi lan dat hang thi x [1;2500]
Khi d6, s6 lugng tivi trung binh giri trong kho sé& 1a % Do d9, chi phi giri hang trong khi méi

nim s& 1a 10%:5);.

S6 1an dat hang mdi nam sé 1a 2500
X
. 5 2500 50000
Do d6 chi phi ddt hang mdi nam s& 1a (20+9x). = +22500.
X X
. . 50000
Suy ra, chi phi hang ton kho 1a C(x) =5x+ +22500.

X
Bai toan tré thanh tim gi tri nho nhat cia C (x) VOl X € [1; 2500] :

xX= IOO(tm)
:—lOO(ktm)

50000

Taco: C'(x)=5-——,C"(x)=0=x* =100> <
X

y 100000
o C"(x)= >0, Vx €[1;2500] nén xglzlgolc( x)=C(100)=23500

2 %0 =251an.

Khi d6 s6 1an dit hang mdi nam sé 1a

Vay dé chi phi hang ton kho 13 nho nhat thi cira hang can dit hang 25 1an mdi nam va 100 cai
mdi lan.

Cong ty xe khach Gin-Bo du dinh ting gia vé trén mdi hanh khach. Hién tai gia vé 1a 50.000
VND mét khach va ¢6 10.000khach trong mot thang. Nhung néu ting gia vé thém 1.000 VND
mot hanh khéch thi sé khach s& giam di 50nguoi mdi thang. Hoi cong ty s& ting gia vé 1a bao
nhiéu ddi véi mot khach dé co 1oi nhuén 16n nhéat?

A. 50.000 VND. B. 15.000 VND. C. 35.000 VND. D. 75.000 VND.

Loi gidi

Goi x (nghin VND) 1a s6 tién cong ty sé ting thém ddi voi mot khach. Khi d6 s6 khach s& giam di 1a 50x

khach nén con 10.000 —50x khach. Khi do, 10.000-50x >0 < x <200.
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Khi d6 s6 tién thu duge sau khi tang gia vé 1a f(x) =(50+x)(10.000-50x).

Taco f(x)=50(50+x)(200—x)<50

2
(Mj = 781250 (nghin VND).

Vay s6 tién thu duoc ting thém 16n nhat 1a 781250 —50x10.000 = 281.250 nghin VND khi 50+ x = 200 — x

Cau 19.

Céau 20.

< x =75 nghin VND.

Mot cong ty bat dong san c6 50can ho cho thué. Biét rang néu cho thué mdi can ho voi gia
2.000.000 dong mot thang thi moi can ho déu c6 nguoi thué va cir mdi 1an tang gia cho thué, moi
cin ho thém 50.000 dong mot thang thi ¢ thém mot cin ho bi bo tréng. Cong ty da tim ra phuong
an cho thué dat loi nhuén 1én nhat. Hoi thu nhap cao nhat cong ty co thé dat duoc trong mot thang
la bao nhiéu?

A. 115.250.000. B. 101.250.000. C. 100.000.000. D. 100.250.000.

Loi giai
Chon B

O thang thu nhap ciia cong ty cao nhat, goi s6 can ho bi bo tréng 1a x thi s6 tién thué mdi phong
14 2.000.000 + 50.000x, khi d¢ s6 tién thu duoc 1a

£ (x)=(2.000.000+50.000x)(50 - x) = —50.000x" +500.000x +100.000.000 .
Tacan tim x € (0;50) deé f(x) 16n nhét.

Taco f'(x)=-100.000x+500.000, f'(x)=0<x=5

Béng bién thién
x |0 5 50
V' + 0 -
101.250.000
.
100.000.000 0

Vay mdi thang loi nhuén cao nhét thu duoc ctia cong ty 1a 101.250.000

Mot ctra hang ban budi Poan Hung cta Pha Tho véi gia ban mdi qua 1a 50.000 dong. Véi gia
ban nay thi ctra hang chi ban duoc khoang 40 qua budi. Ctra hang nay du dinh giam gia ban, udc
tinh néu cira hang ctr giam mdi qua 5000d6ng thi sb budi ban duoc ting thém 1a 50 qua. Xéc
dinh gia ban dé cira hang d6 thu dwoc loi nhudn 16n nhat, biét rang gia nhap vé ban dau mdi qua
1a 30.000dong.

A. 44.000 d . B. 43.000d . C. 42.000 @ . D. 41.000 4 .

Loi giai
Goi t1a s6 lan giam (0<¢<4;teR)thi 5000¢1a tong s tién gidgm. Lc do gid ban s la

50000—5000¢, s6 qua budi ban ra 1a 40+50¢ suy ra tong s tién ban dugc ca von lan 14i 1a
(50000—5000¢).(40+50¢) ; s tién v6n nhap ban dau la 30000.(40+50¢) .
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Ta ¢6 loi nhudn thu dugc 13 f(¢) = (50000 —5000¢) (40 + 50¢) —30000 (40 + 50¢) .

Tatim ¢d¢ f(¢)16nnhat: f(¢)=(4+5t)(20-5¢).10000

:>g(t)=%=—25t2+80t+80 =144—(5t-8)" <144,VieR.

Dé f(r)16n nhat khi g(¢)16n nhat; g(¢)16n nhat bang 144 khi 5t—8:0c>t:§.

8 : N . :
t= 3 = 50007 =8000 . Do do giam so tien mot qua buadi la 80004 , tirc gia ban ra mot qua la

50000 —8000 = 420004 thi loi nhuan thu duoc cao nhat.
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D. BAI TAP REN LUYEN

Cau 1.

Cau 2.

Puong day dién 110KV kéo tir tram phat (diém A) trong dat lién ra Con Pao (diém C). biét
khoang cach ngin nhét tir C dén B 1a 60km , khoang cach tir 4 dén B 1a 100km , mdi km day
dién dudi nudc chi phi 1a 5000USD, chi phi cho mdi km day dién trén bo 1a 3000USD . Hoi
diém G cich A bao nhiéu dé mic day dién tir 4 dén G r6itir G dén C chi phi it nhat.
A. 40km B. 45km C. 55km D. 60km

Loi giai
Chon B.

° A

QY

B
Goi BG =x(0 < x<100)=> AG =100—x

Ta c6 GC =+ BC? +GC* = x> +3600

Chi phi mic day dién: £(x) =3000.(100 — x) + 5000+ x> + 3600

Khao sat ham ta duogc: x=45.

DPuong diy dién 110 KV kéo tir tram phat ( diém A) trong dat lién ra Con Pao ( diémC). Biét
khoang cach ngan nhét tir diém C dén diém B trén dét lién 1a 60km, khoang cach tir A dén B 1a
100km, goc ABC bang 90°. Mdi km day dién dudi nudc chi phi 1a 5000 USD, chi phi cho mdi
km day dién trén bo 1 3000 USD. Hoéi diém G cach A bao nhiéu dé mac day dién tir A dén G roi
tir G dén C chi phi it nhat.

C
N
\
60 km \\
b
Y
A
L Y
LY A
B G
100 km
A. 55 km. B. 40 km. C. 60 km. D. 45 km.
Loi giai

Goi khoang cach tir A dén G 1a x (km). Tac6 AG=x= BG =(100—x) voi 0<x <100
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Cau 3.

Xét tam giac vuong CBG c6 CG =+/CB* + BG* = \/3600 +(100- x)2

Chi phi tién méc dién la 3000x + sooo.\/3 600+(100-x)’

Dé chi phi méc dién it nhat thi 3000x + 5000.\/3600 +(100-x)* dat gia tri nho nhat.

Dit () =3000x+5000.3600+(100—x)’ vi 0<x<100

(100—x)

Taco f'(x)=3000—5000
3600+ (100 x)’

=0

(100—x)

& 3000 =5000
{/3600+(100—x)’

& 3.4/3600+(100-x)’ =5.(100—x)
9.(3600+ (100~ x)") =25(100-x)’

& (100-x)" =2025
100—-x =45 x=55
= =
100—x=-45 | x=145(])

Ta co

£(0)=583095,1895USD
(55) = 540.000USD
/£ (100) = 600.000USD

Vay x =55 km.

Mét ngu'(‘{i can di tir khach san 4 bén bd bién dén hQn dép C. Biét rﬁng‘ khoang cécl} tor dao C
dén bo bién 1a 10km, khoang cach tir khach san A4 dén diém B trén bo gan dao Cnhat 1a 40km
. Nguoi d6 c6 thé di duong thuy hodc di duong bo rdi di duong thuy (nhu hinh vé bén). Biét kinh
phi di duong thuy la 5 USD/km, di duong bo 1a 3 USD/km . Hoi nguoi do phai di duong bo
mot khoang bao nhiéu dé kinh phi nho nhit? (4B = 40km , BC =10km )

C

S ¢
=]

65 15

A. 10km. B. —-km. C. 40km . D. —-km.
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Cau 4.

Loi giai
Chon B
Dit AD = xkm, x €[0;40] = BD =40 —x = CD = /(40— x) +10> .

Téng kinh phi di tr Adén Cla f(x)zx.3+ (40—x)2 +10°.5.
f(x) =3x+5vx> —80x+1700 .

2x—-80

_ 3Jx? —80x+1700 +5x—200

f(x)=3+5 < f'(x
(x) 24x% —80x +1700 (x) Jx? —80x +1700
, > 65
f(x):Oc>3 X —80x+1700=200—5xc>x=7.
Bang bién thién
X 0 Q 40
2
f'(x) - -

£(x) \ /

Mot ngon hai dang duoc dit tai vi tri 4 cach bo bién mot khoang 4B =5 km Trén bo bién co
mdt céi kho & vi tri Ccach B mot khoang 7 km . Ngudi canh hai dang c6 thé chéo do tir 4 dén
dia diém M trén bo bien véi van toc 4 km/h, 10i di bd dén C véi vén toc 6 km/h . Hoi can dit vi
tri cia M cach B mot khoang bang bao nhiéu km dé nguoi d6 dén kho nhanh nhat?

A
5 km
M
Y C
7 km
A. 5,5km. B. 2/5 km. C. /5 km. D. 4,5km.
Loi gidi

Goi BM =x(km) (0<x<7)

Khi do AC =+x*+25 (km)
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Cau 5.

Jx?+25 +7—x

4 6

Thoi gian nguoi d6 di tir A dén M r6i dén C 1a: f ( )

1

Ta co:
flx)= 4\/x 125 6
Xét f'(x) =0 6x=4x" +25 < x =25 [0;7]

10)=2 (=31 f(245)= 25,1

Pé dén kho nhanh nhat thi x =2+/5 .
Luuy:
Giai bang phuong phap tric nghiém

2 —
Nhap biéu thirc f (x) =~ :25 7 - % vao méy tinh

Nhan phim CALC thay lan lugt 4 dap an A, B, C, D

Chon két qua nho nhét.

Mot cai hd rong c6 hinh chir nhat. Tai mot goc nho cua hd nguoi ta dong mot cai coc & vi tri K
cach bo AB1a 1 m vacach bd AC 1a 8 m, roi dung mot cdy sao ngidn mot goc nho cta hd dé tha
béo (nhu hinh v&). Tinh chiéu dai ngan nhat cta cdy sao dé cdy sao co thé cham vao 2bo 4B,
AC va cay coc K (bo qua duong kinh ctia sao).
A V65 B.5\5. C.92. p. 7L
4 4
Loi giai

B
P
E

P N C

bat AP=a,AQ=>b (a,b > O). Goi Eva F lan luot 1a hinh chiéu vuong goc cua K xudng 4B
va AC.Suyra KE=1, KF =8.

KE _PK KF_QK _ KF KE _ 8
AQ PO’ AP PQ AP AQ a

Ta co:

(Hoac co thé dung phép toa dd hda: Gan 4 = (0;0) ,P= (O;a),Q = (b;O). Khido K = (1;8) .

, . 1 8
Phuong trinh duong thang PQ :%+Z =1.Vi PQdiqua Knén Z+_ =1,
a a
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Cach 1:
Ta co: PQ2=a2+b2.Vi§+l:1:>%+E=k Vk>0.
a b a b
2
a2+b2+k=(a2+%j+(b2+k) :(a2+4—k+ﬁj+(b2+i+ij23316k2+3,3/—.
a b a a 2b  2b 4
=2
a k=250
Suy ra PQnho nhat<> ¢ +b* nho nhat < =X ~lazio
b=5
—+—=1
a b

Vay gia tri nho nhat cia PQla Ja® +b* =125 = 5J5. Tir do suy ra chiéu dai ngan nhat ciia
cdy sao dé cdy sao co thé cham vao 2bd AB, AC va ciy coc K 1a 55

Cach 2:
2
Vi§+l:1:>b: wﬁa>8.KMdéPQ2=a?Hf:a2+[ j véi a>8.
a b a— a-38
2
Xét ham s6 f(a):a2+( "8) voi a>8.
a—
2a|(a-8)' -8
Taco f'(a)=2a+ 2a . -8 == [( )3 },f'(a)zo =a=10.
a=8 (a-8) (a—8)
BBT cua f(a):
la 8 10 +o0
f'(a) - 0 +
o0 +o0
125

Vay GTNN cua f(a)la 125khi a=10.

Twr d6 suy ra chiéu dai ngan nhat cua cay sao dé cay sao c6 thé cham vao 2bo AB, AC va cay

coc K1a 125 =55.
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Cau 6.

When the student is ready , the teacher will appear.
Tinh chiéu dai nho nhét cua cai thang dé né c6 thé dwa vao tudng va mit dat, bac qua cot dd cao

4m . Biét cot d& song song va cach tudng 0,5m, mit phang chira tuong vudng goc vai mat dat
—nhu hinh v€, bé qua d¢ day cua cdt do.

\ thang

Twong

D. —
2 2
Loi gidi
Chon B
A!
K.EM
a a
C H B
Taco: AM =——« pyp=—2 véiae(o; 1].
2cosa sin o 2

Chiéu dai cua thang la:

4 1 - 3 i3
I(a)=AB=AM + MB=——+ = ['(q)=Sc0s atsina
sinad  2cosa

2sin’ a.cos’ a

sina =
:>l'(a):0 Stana=2 <

CoOSx =

ol ol

Chiéu dai nho nhat cta thang la: min/(a)= 245 + g = % .
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Cau7. Cho hinh chit nhat c6 dién tich bang 100(cm?) . Héi mdi kich thude ctia nd bang bao nhiéu dé
chu vi cia n6 nhé nht?
A. 10cmx10cm B. 20cm x Scm C. 25cmx4cm D. Bap an khac

Loi giai
Chon A
Goi chiéu dai va chiéu rong cta hinh chit nhat 1an luot 1a: x(cm) va y(cm) (x,y > 0).

Chu vi hinh ch@t nhat la: P=2(x+y)=2x+2y
. 100 200
Theo dé bai thi: xy =100 hay y=——_Do d6: P=2(x+y)=2x+——v06i x>0
X X

Dao ham: P'(x) = 2—200 23"~ 200 .Cho y'=0<x=10 .
x° x’

Lap bang bién thién ta dugc: P,

min

=40 khi x=10= y=10.

Két ludn: Kich thudc cta hinh chit nhat 13 10x10(1a hinh vuong).

Cau 8. Cho mot tim nhom hinh vudng canh 6 cm. Nguoi ta mudn cit mot hinh thang nhu hinh vé.

A 2cm E B A 2em lg B
X cm X cm 3cm

H H ¢
3
cm F
F

D C ¥

G y cm D G yem ¢

Tim tong x+ y dé dién tich hinh thang EFGH dat gia tri nho nhat.

A7 B.5 C. # D. 42
Loi gidi
Chon C
Cach 2:

Ta c6 Sprgy nho nhit < S =S ., +Segr +Spey 16 nht.
Tinh dugc 28 =2x+3y+(6—x)(6—y) =xy—4x-3y+36 (1)

Mat khic AAEH ddng dang ACGF nén % _AH 26 )

CF

Tir (1) va (2) suy ra 28 =42 — (4x+ E) “Ta c6 28 16n nhét khi va chi khi4x-+> nho nhit.
X X

18 32 22

Biéu thirc 4x+E nho nhit < 4x=—=x :—:>y
x X

Cach 2:
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Cau 9.

Cau 10.

Ta co Sprgy =S 5ep _(SAHE +Spu6 T Secr + Supr ) .
Dé dién tich hinh thang EFGH dat gié tri nho nhét thi S, + S, + Secr dat gia tri 16n nhat.

Taco S, :%AE.AH :%.2.)6 =x; Spue zéDH.DG $SCS; Scgr zéCG.CF =%3y

Dt =8, +Spue + Seer thi S:%(2x+3y+36—6x—6y+xy) :%(36+xy—4x—3y)(1).

Mat khac ta lai co AAEH - ACGF = A = AE — = xy=6(2).
CF G

Thay (2) vao (1) ta co S:%[42 (4 +18H
X

32

Ta c6 S 16n nhét khi 4x+§nhé nhit < 4x=E @x:T.

X X
32 72

Khi szthi y:Zﬁ.Véy x+y:7.

Trong linh vyc thuy loi, can phai xay dung nhiéu muong dan nudc dang "Thuy dong hoc" (Ky
hiéu dién tich tiét dién ngang ctia muong 1S, ¢ 1a d6 dai duong bién gidi han cia tiét dién nay,
¢ - dic trung cho kha ning thim nudc ciia muong; muong dwoc goi la c6 dang thuy dong hoc
néu véi S xac dinh, ¢ 1a nho nhét) Cén xéc dinh cac kich thudce cia muong dan nude nhu thé
nao dé co dang thuy dong hoc? (néu muong dan nudc co tiét dién ngang 1a hinh chi nhat)

Chon D

Goi x, y lan luot 1a chiéu rdng, chi€u cao cia muong. Theo bai ra ta co: S = xy;

2 . -2 2 _
0=2y+x=22 4 x. Xétham s 0(x) = S =X 225.
X X x X
' 2 ., S S
[(x)=0& x" -2S5=0x=+25 ,khidoy=— = 7
X

D@ thay v6i x, y nhu trén thi muong c6 dang thuy dong hoc, vay céc kich thudc ciia muong la
x=+28,y= \/; thi muong c6 dang thuy dong hoc.

Nguoi ta mudn 1am mot canh diéu hinh quat sao cho voi chu vi cho trudc 1a a sao cho dién tich
cua hinh quat la cuc dai. Dang cua quat nay phai nhu thé nao?
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Cau 11.

a a a a a 2a
A x=—,y=— B.x=—;,y=— C.x=—;ypy=— D. Bap an khac
SRR 37773 67 3 P
Loi giai
Chon A
y
i ™~
I ™\
(i N
14
XX X

Goi x 1a ban kinh hinh quat, y 1a d¢ dai cung tron. Ta c6 chu vi canh diéu 1a @ = 2x+ y . Ta cdn
tim mdi lién hé giita do dai cung tron y va ban kinh x sao cho dién tich quat 16n nhét.

2

. R R
Dua vao cong thice tinh dién tich hinh quat1a § = TR e

va do dai cung tron ¢ = ,taco

. (R
dién tich hinh quat la: SZT.

. . 3 -2 1
Van dung trong bai toan naydién tich canh diéu la: S :ﬂ:x(a—x)zzbc(a -2x).

2
Dé thﬁyS cucdai ©2x=a-2x< x = % =>y= %. Nhu vay voi chu vi cho trude, dién tich

cua hinh quat cuc dai khi ban kinh ctia n6 bfmg nua d6 dai cung tron.

Tim dién tich 16n nhét cua hinh chit nhat noi tiép trong ntra duong tron ban kinh 43fp , biét mot
canh cta hinh chit nhat nam doc trén duong kinh cia duong tron.

10 ¢cm
o]
A. ;3fp° B. 433fp° C. 493fp° D. 533fp°
Loi giai
Chon B.
10 c¢m
o]

Goi {+ , 12 d0 dai canh hinh chir nhat khong nam doc theo duong kinh duong tron
(3< {<43).

Khi d6 d6 dai canh hinh chir nhat nam doc trén duong tron la: 5v43° — {° #o )1
Dién tich hinh chir nhat: v =5{v43"— {®

5
Taco V' =5443° — {° S 513° —7{°

/435 _ {5
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1072
X=—-

2
102
2

o om (théa)

(khéng théa)

435 43+/5 .
v”:_;{:>V”[T\/7]:—73\/E<3.Suyra {= ;/_ la diém cuc dai cua ham V({)

A £ o1 LA s 43°
Vay dién tich 16n nhat cua hinh chit nhat la: v= 4351 /43° - :433#(® 5>

Ciu 12. Trong cic tam gidc vudng c6 tong ctia mot canh gdc vudng va canh huyén 13 a (a > 0) , tam giac
¢ dién tich 16n nhat 1

e 3T ‘5.

Loi gidi

Gia st AABCvuong tai Ava c6 AB+BC=a. Pait AB=x=>BC=a—-x. Vi BC> 4B

:0<x<%. Tacd AC =~/BC? — AB* =,/(a—x)2—x2 =+a*-2ax.

Dién tich tam giac ABCla S = %AB.AC =%x.\/a2 —2ax =%\/a2x2 —2ax’ .

. | 4 a
Xéthamso y=a’x’ —2ax’, 0<x<—

¥y =2a’x—6ax
x=0
Xét y, =0 a
X=—
3
Béng bién thién
x |0 a a
3 2
1 + 0 -
[a ]
'L p—
. . a’ a
Nhin vao bang bién thién suy ra tam giac c¢6 dién tich 16n nhat 1a 673 khi x= 3
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Ciau 13. Ong An c¢6 mot khu d4t hinh elip v&i d6 dai truc 16n 10m va do dai truc bé 8 m. Ong An mudn
chia khu dat thanh hai phan, phan thi nhat 13 mot hinh chit nhat ndi tiép elip dung dé xay bé ca
canh va phan con lai dung dé trong hoA. Biét chi phi xdy bé ca la 1000000 ddng trén 1m?va chi
phi trong hoa 1a 1200000d6ng trén 1m?*. Hoi ong An c6 thé thiét ké xay dung nhu trén véi tong
chi phi thap nhat gan nhat vi s6 nao sau day?

A. 67398224 dong. B. 67593346 dong.  C. 63389223dong.  D. 67398228ddng.

Loi giai

Géan manh vudn hinh elip cua ong An vao hé truc toa do nhu hinh v€. B¢ dai truc 16n 10m va do
dai truc bé bang Smnéntacd a=5va b=4.

2 2

Phuong trinh cua elip la: (E) A A

25 16

Dién tich cua elip la: S( 5= mab=20r.

2
Hinh chit nhat ABCDndi tiép elip. Pat AB=2x (0<x<5) = AD =8, /1—% .
x2
Dién tich hinh chir nhat 4BCD1a: S, =16x 1—2—5 .

2
Dién tich phan con lai trong hoa la: S, =207 —16x, fl—% .

Tong chi phi xay dung la:

2 2
T =16000000.x, /1—"— +1200000.| 207 —16x, /1—"—
25 25

0988323371 | Bién soan va suu tim: T6 Qubc An




2D1-BT37:Bai toan thuwe té chwa XD md hinh. When the student is ready , the teacher will appear.
2 2

2
= 240000007z —3200000x /1 - % .
x x

2 ot
Mit khéc ta c6: 16000000.%, /1 —;—5 < 16000000.252—25 =8000000

2
= T =240000007 —3200000x, fl —)26—5 > 240000007z —8000000 = 67398223.69 .

2
Déu "="xay ra khi Y PPN xzﬂ(théa man).
5 25 2

Vay tong chi phi thiét ké xay dung thip nhat gin v4i s6 67398224 .

Céu 14. Bic tho han dung mot thanh kim loai dai 250 c¢m dé udn thanh khung cira s6 ¢ dang nhu hinh
v€. Goi rla ban kinh ctua ntra duong tron, tim »dé dién tich tao thanh dat gia tri lon nhat.

125
4+

cm

A B

* Goi S, S,14n luot 1a dién tich cta nira hinh tron va hinh chit nhat. Khi do:
S, = %ﬂrz S, =2rh; voi 2h= 250—(7rr+2r) nén S, = 2500 — 1 =21 .

* Suy ra dién tich hinh can tim § = %m,z +250r —7rt =27 = _%m,z —27? + 2507 . Bai toan tr¢ thanh tim

gié tr 16 nhit clia him 56§ (r) = = 2rr* - 2r% + 2507 V61 0< 7 <125.

* Ta c6 S’(”)=—(7T+4)”+250; S'(r)=0sr :ioaf' Pay 1a cyc tri duy nhat ciia ham sé dong thoi
T+

250

2 nén ham sé dat gia tri lon nhét tai diém nay.
T+

S'() ddi dau tir dwong sang am khi ,qua
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai toén thue té chwa XD md hinh.

Cau 15. Ban A c6 mot doan day meém va déo khong dan hoi 20 m, ban chia doan ddy thanh hai phan,
phan dau gap thanh mét tam giac déu. Phan con lai gap thanh mot hinh vuong. Hoi do dai phan
dau bang bao nhiéu (m) dé tong dién tich hai hinh trén 1a nho nhét ?

B. i m, C. & m. D & m

9+43 9+43 9+43

Loi giai

120
9+43

A. m.

A

: : . o 20
Goi x (m)la canh cua tam giac déu, 0<x<? .

20-3x

Suy ra canh hinh vuong la

(m)-

Goi Sla téng dién tich cua hai hinh.

NRRRENEE

4 4

V3 20—3;(_2)

Taco: S'(x)=7x+2 J

_ 60
S'(x)=0<:>£x+220 3x.(—ij=0 Sx= .
2 4 4 9+43

Bang bién thién

x 0 60 20
9+44/3 3
S'(x) - 0 +

JINL

Duya vao bang bién thién, Sdat gia tri nho nhat tai x=

60 "

9+43
Cau 16. Mot soi day kim loai dai 60cmduoc cit thanh hai doan. Poan thir nhat dugc udn thanh mot hinh
vudng, doan thur hai duoc udn thanh mot vong tron. Hoi khi téng dién tich cua hinh vuéng va
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2D1-BT37:Bai toan thuwe té chwa XD md hinh. When the student is ready , the teacher will appear.

hinh tron & trén nho nhét thi chiéu dai doan day uén thanh hinh vudng bang bao nhiéu (lam tron
dén hang phan trim)?
A. 33,6lcm B. 26,43cm C. 40,62cm D. 30,54cm

Loi giai
Chen A

Goi chiéu dai doan day ubn thanh hinh vuéng la xcm . Diéu kién: 0<x <60

Do dai canh hinh vuéng Ia %

Chiéu dai doan day uén thanh hinh tron la (60—x)cm

60— x

Ban kinh vong tron 12 27R =(60-x) < R = 5
r

2 2 2
Téng dién tich cia hinh vuéng va hinh tron 1a G] +7R? = G) +7 [ 62_ xj
T

x? (60—x)  (7+4)x* —480x+14400 _s

16 Ar 167 (x)

480

Hamso f (x) dat gia tri nho nhat tai x =m

~33,61.

Céau 17. Tir mot tim bia hinh vuéng ABCD c6 canh bang 30cmngudi ta gap theo cac doan MN, PO sao
cho 4D, BC trung nhau dé tao thanh mot hinh ling tru bi khuyét 2 day nhu hinh minh hoa duéi
day

4 .M P, B

o N [ C

Dé thé tich ciia khéi ling tru tuong tmg voi hinh ldng tru tao thanh 13 16n nht thi gia tri cia .
béng

A. 8cm. B. 9cm. C.10cm. D. 5em.

Pidu kién %< x<15

(Dé t6n tai tam gidc AMPthi AM + AP > MP < 2x>30-2x < x > 175).
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai todn thue té chwa XD md hinh.

Cau 18.

2
SWA=%.d(A;MP)MP=%. xz—(”;z"j (30-2x) =v/1542x-15.(15-x)

Vipanon = MN.S, = 30/1542x-15.(15- x) = 30JE\/(2x ~15)(15-x)’

= 30/15+/2x° = 75x% +900x — 3375

Cach 1: Tric nghiém: Tinh gia tri cua ham s6 f (x)=2x3—75x2+900x—3375tai dap an

x=8x=9x=10.Tathdy f(x)dat gi4 tri I6n nhat tai x =10 ¢ .
Cich 2: Xét ham s6

f(x):2x —75x~+900x—3375,x € ?;15

f'(x) =6x" —150x+900

f'(x)=0=x=10,x=15

BBT ta thdy f (x) dat gia tri Ién nhat tai x =10 ., .

Cho mét tm nhém hinh vudng canh 12(em). Ngudi ta cit & bon goc ciia tim nhém d6 bon hinh

vudng bang nhau, mdi hinh vudng c6 canh bang x(cm) , 101 gap tAm nhom lai dé dugc cai hop
khong ndp (tham khao hinh v& bén). Tim ,dé hop nhan dugc ¢ thé tich 16n nhat (giai thiét bé
day tam ton khong dang ké).

A. x=2. B. x=3. C.x=4. D. x=6.
Loi giai
Ta thay hop c6 day 1a hinh vuong canh 12 —2x, dudng cao x(0<x<6).

Taco: V=S, h=(12-2x)" .x=4x" —48x* +144x

Xét V=f(x)=4x —48x" +144x
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Cau 19.

Cau 20.

f(6)=0
f1(x)=12x> —96x +144 =0 = [x | [@=128

7 f0=0

Vay voi x =2hop co thé tich 16n nhét.

Nhan ngay phu nit Viét Nam 20 -10 nim 2020 , ng A quyét dinh mua ting vo mot mon qua va
dit nd vao trong mot chiéc hop co thé tich 1a 32 ( dvtt ) c6 day hinh vuong va khong co nip . Bé
mon qua trg nén that dac biét va xung dang voi gia tri cua nd ong quyét dinh ma vang cho chiéc
hop , biét rang d6 day 16p ma tai moi diém trén hop 1a nhu nhau . Goi chiéu cao va canh day cta
chiéc hop lan luot 13 h;x . Dé luong vang trén hop 1a nho nhat thi gia tri cia  h;x phai la ?

A. x=2h=4 B. x=4,h=2 C.x:4;h:§ D. x=1,nh=2
Loi giai
Chon B
S =dxh +x*
, 32, 128 2 \ A s \ o1
Ta co ) Vv 32=>S=4x—+x =—""1x* , dé luong vang can dung 1a nho
V=xh—h=—=— x° x
x° X
nhit thi
128 128
Dién tich S phai nhé nhét ta c6 S——+ f(x)—»f( ) 2x——=0=>x=4, h=2
x

Nguoi ta mubn thiét ke mot be c4 theo dang khoi lang try tir gidc déu, khong c6 nap trén, lam
bang kinh, thé tich 8 n®. Gid mdi m’kinh 1a 600.000 dong/n*. Goi ¢1a s tién ti thiéu phai tra.
Gia tri ¢xp xi v6i gia tri nao sau day ?

A. 11.400.000d6ng.  B. 6.790.000dong.  C. 4.800.000d6ng.  D. 14.400.000 dong.

Loi giai
A’ D’
|
B I c
1
|
I
Ap — — — — 1 - — = 2D
/
/
/
B C

Goi AB=x>0,tacod V=hx2=8<:>h=i2.
X

Dién tich xung quanh cta bé ca :

S, =4xh+x —4x£+x - x? +32
X X
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Cau 21.

Cau 22.

Cau 23.

=x2+E+EZ33 _)(;2-&,E =33256 .
X X X X

Dau bang xay ra khi va chi khi : =100 _ .
X

32

+_
NI

R L 2 \
S0 tién to1 thiéu dé lam tu kinh 14 : [( 3 16) }.600.000 =11429287,57 dong.

(TQA)C6 mét tam nhom hinh vudng canh 12cm. Ngudi ta cit & bon goc cia tim nhom d6 bon
hinh vudng bang nhau, mdi hinh vudéng cé canh bang x(cm)rdi gap tim nhom lai nhu hinh vé
dudi day dé dugc mot cai hop khong nap. Tim » dé hinh hop nhan duogc 6 thé tich 16n nhat.

A. . x=6 B. x=3 C.x=2 D. x=4

Loi giai
Chon C.
D0 dai canh day cua cai hop: 12—2x.Dién tich day cua cai hop: (12—2x)2 :
Thé tich cai hop 1a: ¥ =(12—2x) x=4x" —4&¢ +144x véi x € (0:6)
Ta co: V'()C)=12.)C3 —96x" +144x. Cho V'(x)=0 , gidi va chon nghiém x=2.
Lap bang bién thién ta dugc V_, =128 khi x=2.

Mot Bac nong dan can xay dung mot hd ga khong co nap dang hinh hop chir nhat c¢é thé tich
3200cm®, ti sO gitra chi€u cao ctia ho va chiéu rong cua day bang 2. Hay xac dinh dién tich ctua
day ho ga dé khi xay tiét kiém nguyén vat li¢u nhat?
A. 1200cm’ B. 160cm’ C. 1600cm? D. 120cm®
Loi giai
Chon B
Goi z,y (x,y > 0) lan luot 1a chiéu rong, chiéu dai cua day ho ga.

: , h
Goi h 1a chiéu cao cita hd ga (h > 0). Taco — =2 => h = 2z(1]
X

3200 1600
-0

suy ra thé tich cia hd ga la : V = ayh = 3200 => y = -
x x
Dién tich toan phan ciia hd ga la:

6400 1600 , 8000
+ =4z +
s s xr

S = 2zh + 2uh + zy = 42° +

= [(z)

Khao sat ham sb y = f (x),(x > 0) suy ra dién tich toan phan cia hd ga nho nhat bang 1200cm’
khi
z =10cem => y = 16¢m Suy ra dién tich day cua hd ga 1a 10.16 = 160cm”

Mot nguoi nong dan ¢ 15.000.000 déng muén 1am mot cai hang ;éo hinh chtr E doc theo mot
con song (nhu hinh v€) dé 1am mot khu dat c6 hai phan chir nhat dé trong rau. Bo6i voi mét hang
rao song song véi bo song thi chi phi nguyén vat liéu 1a 60.000 dong mdt mét, con doi véi ba
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mit hang rao song song nhau thi chi phi nguyén vét liéu 1a 50.000 dong mot mét. Tim dién tich
16n nhat caa dat rao thu duoc

—_—

f///ﬁ

A. 3125, B. 5017 . C. 1250m" . D. 6250n7" .

Loi giai
Goi 14 chiu dai 1 mit hang rao hinh chit E ( trong ba mit song song, x > 0).
Goi yla chiéu dai mat hang rio hinh chit E song song voi bo song (y > 0).

500 5x

S6 tién phai lam 1a: x.3.50000 + 1.60000 = 15.000.000 <> y 5

Dién tich dat: § = Xy = x'SOOT—Sx: 250x—%x2

Taco: §'=250-5x.
S'=0<250-5x < x=50.

Béng bién thién:

T 0 50 + o0
S - 0 -
S /'625\

0 -

Vay: n(loa}x)S =6250 (m?) khi x=350.

Céu 24. Mot bac nong dan can xay dung mot hd ga khong co nip dang hinh hop chit nhat ¢6 dung tichla
3200cn? , ti s gifra chiéu cao cta hd va chiéu rong cua day bang 2. Hay xac dinh dién tich cua
day h6 ga dé khi xay tiét kiém nguyén vat liéu nhat?

A. 1200cnt . B. 120cm’ . c. 160cny’ D. 1600cnt .

Loi giai

Goi »la chiéu rdng cua day, y 1a chiéu dai cua day va Ala chiéu cao cua day.

Ti s0 gitra chi€u cao cta ho va chiéu rong cta day bang 2= h=2x.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai toén thue té chwa XD md hinh.

Cau 25.

o -

i

Dién tich ciia day hd gala § = Xy

Thé tich ctia khdi hop chir nhat khong nip bang 3200 oM’ nén ta co

V =2x.x.y=3200cm’ :>y—1600

Dién tich bé mit st dung cua bé (khong tinh nap) la S =4x" +5xy =4x" + —— 8000

—= /(%)

Yéu cdu bai toan <> nho nhit.

Taco: f'(x) = 80(2)0=0<:>x=10.
Béng bién thién:
|0 10 + o
S'(x) _ 0 i
f(x) |+ + o

1200

S, nho nhatkhi x=10 = » =16

Dién tich cua day hé ga 1a S=xy=1600cnT .

Ong A du dinh sir dung hét Snfkinh dé 1am bé ca bang kinh c6 dang hinh hop chir nhat khong
nép, chiéu dai gip déi chiéu rong (cac moi ghep c6 kich thudc khong dang ké). Bé ca co thé tich
16n nhit bang bao nhiéu (két qua lam tron dén hang phéan tram)?

A. 10In? B. L5InT. C. 133n7. p. 0,96m’.
Loi giai
Chon A

Goi chiéurong ciabécala x(donvi: m , x>0).

5-2x°

6x

Ong A diung hét SnTkinh dé 1am bé ca nén 2x° +6xh=5=>h=
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Do x>0va A >0nén O<x<\/§.

Thé tich bé ¢4 ¥ = %(5x—2x3).

o1 . 5
14 =§(5—6x2), 14 —O:x—\E.

Bang bién thién cua V :

5 5
€T 0 6 B
v’ + 0 -
1,01
\% / \
0 0

Ti BBT suy ra bé ca co thé tich 16n nhat bang 1,01m3.

Céu 26. Anh Minh mudn xay dung mét hd ga khong c6 nip ddy dang hinh hop chir nhat co thé tich chira
duogc 3200cnt , ti s6 giita chiéu cao va chiéu rong ciia hd ga bang 2. Xéc dinh dién tich day cua
hd ga dé khi xay ho tiét kiém duoc nguyén vat li¢u nhét.

A. 170cm’ . B. 160cm’ . . 150cm’. D. 140cm’ .
Loi giai
Goi 4, b, hlan luot 1a chiéu dai, chiéu rong, chiéu cao ctia hd ga.

Ta co hinh veé:

s
|
|
|
|
|
:
|
h |
|
e .
) abh =3200 {2ab2 — 13200 a= 16(2)0
Taco: {p Rt b
b h=2b h=2b

Dé x4y ho tiét kiém nguyén vat liéu nhat thi S, +S,dat gid tri nho nhat.
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Cau 27.

6400 N 1600 8000

S, +S,=2bh+2ah+ab=4b>+ = abt = [ ()

trén (0; +oo)

Xét f(b)=4b>+ 80b00

f’(b):8b—82(2)0 = f'(b)=0 8h~8000=0= b=10

Béng bién thién

X 0 10 +00
f' ‘ - 0 +
£ +oo : +o0

Voéi b=10=a=16

Vay dién tich day hd ga dé khi xay hé tiét kiém duoc nguyén ligunhét 1a: S, =16.10 =160 (cm2 )

Mot ngudi c6 mot dai ruy bang dai 130cm, ngudi do can boc dai ruy bang d6 quanh mot hop qua
hinh tru. Khi boc qua, nguoi nay dung 10cm cua dai ruy bang dé that no ¢ trén nap hop (nhu hinh
v€ minh hoa). H6i dai day duy bang c6 thé boc dugc hop qua cé thé tich 16n nhat 1a 1a nhiéu ?

A. 40007 cm?® B. 10007 cm® C. 20007 em’® D. 16007 em’
Loi gidi

Chon B

Goi z(cm);y(cm) lan lugt 1a ban kinh day va chiéu cua hinh tru (z,y > 0;z < 30).

Dai day duy bang con lai khi da that no la: 120cm
Taco 2z 4+y)4=120< y=30—2z

Thé tich khoi hop qua la: V = mz’.y = mz*(30 — 2z)
Thé tich V 16n nhat khi ham s6 f(z) = 2°(30 — 2z) v6i 0 < z < 30 dat gié tri 16n nhat.

f'(z) = —62° + 60z, cho f'(x) = —62> +60r =0 = 2 =10
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Lap bang bién thién, ta thay thé tich dat gia tri 16n nhat 1a V = 1000m(cm?).

Cau 28. Mot xudng co khi nhan 1am nhiing chiéc thung phi véi thé tich theo yéu cau 1a 20007 lit mdi
chieéC. Hoi ban kinh day va chiéu cao cua thung lan lugt bang bao nhiéu dé tiét kiém vat licu

nhat?

A.lmva 2m B. 1dm va 2dm C.2m va lm D. 2dm va ldm
Loi giai

Chon B

Déi 200072(lit) =271(n7’). Goi ban kinh day va chidu cao 1dn lugt 12 x(m) va h(m).

Ta ¢6 thé tich thing phi ¥ = zx*.h = 27 =>h = 2

X

Vat liéu ti 1€ thuan véi dién tich toan phén nén ta chi can tim x dé dién tich toan phén bé nhat.
2 2 2,2
S, =2xx"+2xxh=27x(x+—)=27(x"+-)
X X

Dao ham 1ap BBT ta timdc f(x) GTNN tai x =1, khi d6 A=2.

Cau 29. Mot nguoi du dinh 1lam mot bé chira nuge hinh tru bang indc c6 ‘nép day véi thé tich 1(m?). Chi
phi méi m? day 1a 600 nghin dong, mdi m” nap la 200 nghin dong va moi m? mét bén 1a 400
nghin dong. Hoi nguoi do chon ban kinh bé 1a bao nhiéu dé chi phi lam bé it nhat?

A 27 B.i/z. c_.si. D.i/z.
2 27 /4

Loi giai
Goi R va hlan luot 1a ban kinh va chiéu cao cua bé chira nudc.

1

Ta c6 thé tich bé chita nudc 1a: ¥V =1 = zR*h=1< h = =

P
Dién tich nép va mat day bé chira nuéc la: S, =R’

Dién tich xung quanh ctia bé chira nudc 1a: S, =27Rh=2xR. ;32 = %
T

Chi phi lam bé chira nudc 1a: f(R)=67R*+27R* + 4% =87R* + % (traim nghin dong).

[1
Ta co: f’(R)=167rR—%.Xét f’(R)=O<:>167rR—%=O ®2ﬂR3—1=0©R=32—.
T

Béng bién thién:
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Céau 30.

Cau 31.

R 0 3 I +x
2T
SR} - 0 +
—
R I
7(R) T g ———

Dua vao bang bién thién, ta thay chi phi Iam bé chira nudc thap nhat khi R =3 pl
T

V&i mot dia tron bang thép trang ¢6 ban kinh R=+6m phai 1am mot cai phdu bang cach cat di
mét hinh quat cua dia nay va gap phan con lai thanh hinh tron. Cung tron ctia hinh quat bi cat di
phai bang bao nhiéu d9 dé hinh nén co thé tich cuc dai?
A. = 66° B. = 294° C.~12,56° D. ~2,8°

Loi giai
Chon A

Ta c6 thé nhan thdy duong sinh ctia hinh nén 13 ban kinh cua dia tron. Con chu vi day cua hinh
nén chinh 1a chu vi cta dia trir di @6 dai cung tron da cat. Nhu vay ta tién hanh giai chi tiét nhu
sau:

Goi x(m) 1a do dai day cua hinh nén (phan con lai sau khi cit cung hinh quat cia dia).

Khidd x = 27r = r= 2
2

2
Chiéu cao cta hinh nén tinh theo dinh 1i PITAGO 13 A=+ R*—#? = \ /Rz - 4x 5
T

2 2
Thé tich khdi non s& 1a : Vzlm"zhzlﬁ x2 R* - x2
3 4 4

Dén day cac em dao ham ham ¥ (x) tim duge GTLN cia ¥ (x) dat duoc khi
X = ZTﬂR\/g =4r

Suy ra do dai cung tron bj cat di1a : 27R—47r = a = 2\/67[—_4”3600 ~ 66°

2\/877

Nha Nam c6é mdt chiéc ban tron c¢6 ban kinh bang V2 m. Nam muén méc mot bong dién ¢ phia
trén va chinh giira chiéc ban sao cho mép ban nhan dugc nhiéu anh sang nhat. Biét rang cuong
na
12

A ) ,  n .2 NI , S . T . L
do sang C cua bong dién dugc bicu thi bdi cong thic C=c¢ (o la goc tao bai tia sang toi

mép ban va mit ban, ¢ - hing s ty 1& chi phu thudc vao ngudn sang, / khoang cach tir mép ban
té1 bong dién) . Khodng cach nam can treo bong dié€n tinh tir mat ban la
A.Im B. 1,2m C.1.5m D.2m

Loi giai
Chon D
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Cau 32.

Goi h 1a 6 cao cua bong dién so vdi mat ban (h > 0); D 1a bong dién; I 1a hinh chiéu cua D 1én
mat ban. MN la duong kinh ctia mat ban.( nhu hinh v¢)
’12
2 >

Ta co sina =? va h*=1* -2, suy ra cuong do sang la: C(l) =c————

, 61
C (1)20ﬁ>0(v1>\/§)

C'(Z):O<:>l:\/6(l>\/§)

Lap bang bién thién ta thu duoc két qua C 16n nhat khi 7 =+/6 , khido h=2

Mot xudng in c6 8may in, mdi may in duge 3600 ban in trong mdt gio. Chi phi dé van hanh mot
may trong mdi lan in 1a 50nghin dong. Chi phi cho ,may chay trong mot gio 1a 10(6n+10)
nghin dong. Hoi néu in 50000 t& quang céo thi phai sir dung bao nhiéu may in dé duoc i nhicu
nhat?

A. 4may. B. 6may. C. 5may. D. 7may.

Mot may: Trong mot gio in duge 3600t nén 50000 to can %gi()’.

Do d6 ,may can thoi gian 192 gio.

n

125

Tong chi phi la f(n)=[10 (6n+10). 5
n

} 1000+ 500007 .

Khi d6: dé duoc 13i nhiéu nhat thi f(7)dat gia tri nho nhat, véi ne[1;8]va neN.

250 1250 250 , 50
Céch 1: f(n)= ( 3 + 5 +5n JIOOOO>[ 3 \/_J 10000 (Dung BDT Cosi).
n
Nén f(n)nho nhat khi 1550 =Snen= S*QE ~5.
n
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Cau 33.

Cau 34.

Cau 35.

Cach 2 : Dung Table voi n e [1;8]Ve‘1 neN.

Khi nudi gé thi nghiém trong hd, mot nhél sinh vat hoc théy réng - Néu trén mdi don vi dién tich
cua mat ho c6 n con ca thi trung binh moi con ca sau mot vu can nang P(n) =480 —20n(gam) .
Héi‘ phai thé} bao nhiéu con ca trén mdt don vi dién tich cua mat hd dé sau mot vu thu hoach duge
nhiéu ca nhat ?
A. 10 B. 12 C. 16 D. 24
Loi giai
ChonB ‘
Goi n 1a s6 con ca trén mot don vi dién tich hd (n>0). Khi d6 :
Can nang cua mot con ca la : P(n) =480 — 20n(gam)
Cannang cua n concala: nP(n)=480n—20n*(gam)
Xét ham s6 : f(n)=480n—20n*,n€(0;+o0). Tacod : f'(n)=480—40n,cho f'(n)=0<n=12
Lap bang bién thién ta thiy s6 ca phai tha trén mot don vi dién tich hd dé ¢6 thu hoach nhidu nhét
la 12con.

Mot chuyén xe bus co strc chira toi da 1a 60 hanh khach. Néu mét chuyén xe chd x hanh khac
2
thi gia cho mdi hanh khach 1a (3 _4_x0] $. Chon cau dung:

A. Xe thu duge loi nhuan cao nhat khi c6 60 hanh khach.
B. Xe thu duogc loi nhuin cao nhét bang 135$.
C. Xe thu dugc loi nhudn cao nhét bang 160$.
D. Khong c6 dap an dung.

Loi giai
Chon C

A X 3 x
So tién thu duge 1a: f(x) =x(3—-——=) =9x——x" +
) Sy =x 40) 20 1600
Dao ham,lap bang bién thién ta tim dwoc GTLN cua f(x) 1a 160 khi x = 40.

Vay loi nhuan thu dugc nhidu nhit 1a 1608 khi c6 40 hanh khach.

Mot cira hang ban I¢ ban 2500 cai ti vi mdi ndm. Chi phi goi trong kho 1a 10$ mot cai mdi niam.
bé dat hang chi phi ¢d dinh cho moi lan dat 1a 208 cong thém 9§ moi cai. Cira hang nén dat hang
bao nhiéu lan trong mdi nim va mdi 1an bao nhiéu cai dé chi phi hang ton kho 1a nhd nhat?
A. 23500 B. 1223500 C. 43500 D. 24500
Loi giai
A
Goi x 14 s6 ti vi ma ctra hang dat mdi 1an (x e [1; 2500] , don vi: cai)

S6 lwong ti vi trung binh gdi trong kho 1a % nén chi phi luu kho tuong ung la 10% =5x

S6 lan dit hang mdi nam 1a 200 va chi phi dat hang la : @(ZO +9x)
x X
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Khi d6 chi phi ma ctra hang phai tra la: C(x)= @(20 +9x)+5x=5x+—— 20000 +22500
x

Lap bang bién thién ta duoc : C,.. = C(100) = 23500

Céu 36. Mot doanh nghiép tunhan A chuyén kinh doanh xe gan may cac loai. Hién nay, doanh nghiép dang
tap trung chién luoc vao kinh doanh xe honda Future Fi voi chi phi mua vao mot chiéc 12 27 (triéu
dong) va ban véi gia 31 (triéu qong) m01 chiéC. Véi gia ban nay thi s6 luong xe ma khach hang s&
mua trong mot nam 1a 600 chieC. Nham muyc tiéu day manh hon nira hg:(_)’ng tiéu thu d(‘)ng xe dan~g
an khach nay, doanh nghi€p du dinh giam gia ban va udc tinh rang néu giam 1 (triéu déng) moi
chi€c thi s6 luong xe ban ra trong mét nam s€ tang thém 200 chi®C. Véy doanh nghi€p phai dinh
gia ban mdi la bao nhiéu dé sau khi da thuc hién giam gia, loi nhuan thu duoc s€ la cao nhat (don
vi tri¢u dong ) ?

A. 30,5. B. 305. C. 40,5. D. 30.
Loi giai
a
Goi x (x>0, don vi: triéu dong) 14 gi ban méi. Khi d6:
S tién da giam 1a: 31—x. SO lugng xe tang 1én 1a: 200(31— x).
Viy tong s6 san pham ban duoc 1a: 600 +200(31- x) = 6800 —200x
Doanh thu ma doanh nghiép s€ dat dugc la: (6800 —200x)x
Tién von ma doanh nghiép phai bo ra la: (6800 —200x).27
Loi nhudn ma cong ty dat dugc sé la:
L(x) = Doanh thu — Tién von
= (6800 —200x)x — (6800 —200x).27 = —200x +12200x — 183600
L'(x)=-400x+12200.Cho L'(x)=0< x=30,5

Lap BBT ta thiy loi nhudt 16n nhat khi x = 30,5. Vay gia ban méi la 30,5 (triéu dong)

Cau 37. Giam ddc mot nha hat A dang phan van trong viéc xac dinh murc gid vé xem cac chuong trinh
dugc trinh chiéu trong nha hat. Viéc nay rat quan trong no s& quyét dinh nha hat thu dugc bao
nhiéu loi nhuén tu cac budi trinh chiéu. Theo nhing cudn s6 ghi chép ciia minh, ong ta xac dinh
duoc rang: néu gia vé vao cira 1a 20 USD/ngu(n thi trung binh c6 1000ngudi dén xem. 4 hung
néu ting thém 1USD/ngudi thi s& mat 100 khach hang hodc giam di 1USD/ngudi thi s& c6 thém
100khach hang trong sb trung binh.Biét rang, trung binh, mdi khach hang con dem lai 2 USD
loi nhuan cho nha hat trong cac dich vu di kém. Hay giup giam ddc nha hat nay xac dinh xem
can tinh gia vé vao cira 1a bao nhiéu dé thu nhap 13 16n nhat.

A. 18 USD/nguoi. B. 19USD/nguoi. C. 14USD/nguoi. D. 25 USD/nguoi.

Loi giai
Chon C

Goi gi4 vé sau khi diéu chinh 1a 20+ x (x +20> 0)

S6 khach 12: 1000 —100x

Téng thu nhap
f(x) = (20 +x.1+ 2) (1000 - IOOx) = (22 + x) (1000 - IOOx) =-100x> —1200x + 22000

https://www.facebook.com/toanthayan | 0988323371




Luyén mii thanh tai- miét mai tit gioi. 2D1-BT37:Bai toén thue té chwa XD md hinh.

Béng bién thién

A~ A~

max f(x)= f(—6).Suy ra gia vé la: x+20=20-6=14USD

( -20; +oo)

Cau38. 4ha xe khoén cho hai tai xé ta-xi An va Binh m5i nguoi lan luot nhan 321it va 72 1it xang. Hoi
tong so ngay it nhat 12 bao nhiéu dé hai tai xé chay tiéu thu hét s6 xang ctia minh dugc khoan,
biét rang chi tiéu cho hai ngudi mot ngay tong cong chi chay dii hét 101it xang?

A.20ngay. B. 15 ngay. C. 10 ngay. D. 25 ngay.

Loi gidi
Chen A

Goi x 14 sd lit xing ma An da dung trong mot ngay. Voi 0<x <10.
= 10— x1a s6 lit xing ma Binh da dung trong mot ngay.

Khi do

A ‘A A ’ - A 32 \

+ D¢ An ti€u thy hét 32 lit xdng can — ngay.
X

A N ‘A A ’ - A 72 \

+ De¢ Binh tiéu thu hét 72 lit xang can 10 ngay.
-X
Vay tong s ngay chay xe ciia hai tai xé 1a
32 72 , 32 72 ,
y=—+ S>)Y=-—Ft—7F=2)=0x=4

x 10—x 7 X (IO—x)

Bang bién thién

x |0 4 10
' - 0 +
Yy — >

4 hin bang bién thién ta thdy tong s6 ngay chay xe it nhat cua hai tai xé 1a 20 ngay.
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BAI 38: BAI TOAN XET TiNH PON PIEU CUA HAM PA THUC .

A.LY THUYET:

Bai toan :
Xdc dinh tham s6 xét tinh don diéu ciia ham da thirc.

Gia s y=f(x)=ax3+bx2+cx+d :>f'(x)= .............................

Cac dang thuong gap

. Ham s6 dong bién trén R khi va chi khi: . Ham so nghich bién trén R khi va chi khi:

a........ 0 Qoo 0
z {A ......... 0 : {A ......... 0
f'(x)ZO;‘v’xeR S (a 0 f'(x)SO;‘v’xeR = B 0
? A 5 bvvoon0
| (G 0 Covevenn 0

CRU VS oo
(Puong thing song song hodc trung véi truc Ox thi khong don diéu)
1 Véi dang toan tim tham s6 m dé ham s bac ba yzf(x;m) =ax’ +bx* + cx +d don diéu mot

chiéu trén khoang c6 do dai / ta gidi nhu sau:
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B. Vi DU MINH HQA

Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Cau7:

Cau 8:

Cho ham s6 y =ax’ +bx* +cx+d . Ham s6 ludn dong bién trén R khi va chi khi.

[a=b=0;¢>0 5
A. 5 ) B. a>0;b" —3ac<0.
|a>0;b"-4ac<0

fa=b=0;¢>0 [a=b=0;c>0
D.

_a>0;b2—3a020' a>0;p*-3ac<0

C6 bao nhiéu gia tri nguyén ctia tham s6 m sao cho ham s6 f'(x) = %x3 +mx® +4x+3 dong bién
trén R ?
A. 5. B. 4. C. 3. D. 2.
(THPT Chuyén Hung Vwong - Phi Tho - Lan 1 - 2018 - BTN) Ham sb
y= (x+m)3 +(x+n)3 —x* dong bién trén khoang (—o0;+00). Gié tri nho nhat cua biu thirc
P=4(m2 +n2)—m—n bang

-1

A. -16. B. 4. .—.
16

bl
Cho ham s& y =—x’ —mx’ +(4m +9)x+5 v6i m 14 tham sb. C6 bao nhiéu gia tri nguyén cta
m d¢ ham so nghich bién trén khodng (—o0;+00)?

A. 4. B. 6. C.7. D. 5.

Pé hamsé y = %(m2 — l)x3 +(m+1)x” +3x +5dong bién trén R thi tat ca gid tri thuc cia tham

sO m la:

m>2 m>2
A. —-1l<m<2. B. -1<m<2. C. . D. .
m<—1 m<-—1

Tét ca cac gia tri cia m dé ham s6 y = (m—l)x3 —3(m—1)x2 +3(2m—5)x+mnghich bién trén

Rla
A. m<1. B. m<1. C. m=1. D. 4<m<]1.

R £ 1, (m+2) 2 - R £ A R 2
Cho ham so yzgx —Tx +2mx+1v6i m la tham so thuC. Tap hop céc gia tri cua m dé

ham s6 déng bién trén khoang (0;1) la
A (—=al]. B. [1:+0). C. (-mi1). D. (I;+40).

Biét rang ham s0 y = §x3 +3(m—1)x* +9x+1(vdi m la tham so thuc) nghich bién trén khoang

(x];xz) va dong bién trén cac khoang giao véi (x];xz) bang rong. Tim tat ca cac gia tri ciia m dé
|x1—x2|=6\/§.

A.m=-1. B. m=3.

C.m=-3,m=1. D.m=-1, m=3.
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Cau9:

Cau 10:

Mot hoc sinh giai bai toan: “Tim tat ca gia tri cuia tham sO m sao cho ham so

y=mx" +mx’ +(m —2)x+ 10 dong bién trén R .” theo cac budc nhu sau:

Bude 1. Ham s6 xac dinh trén R va y'=3mx” +2mx+m—2.

Buée 2. Yéu cau bai toan trong duong véi ' >0,Vx € R < 3mx” + 2mx+m—2>0,VxeR.

m>0
; a=3m>0
Buoc 3. & =< m<0
A'=6m—-2m*<0
m>3

Buoc4. & m>3.Vay m>3.

Hoc sinh nay da bét dau sai ¢ budc nao?

A. Budc 2. B. Budce 3. C. Buoc 1. D. Budc4.

Cho ham s6 y = x* —2(m - l)x2 +m—2 voi m 1a tham s6 thyC. Tim tat ca cac gia tri m dé ham
s6 dong bién trén khoang (1;3).

A.l<m<2. B. m<2. C. m<1. D.1<m<2.
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C. BAI TAP TREN LOP

Caul:

Cau 2:

Cau 3:

Cau 4:

Caus:

Caiu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

(THPT Hoa Lu A-Ninh Binh-Lan 1-2018) Tim gié tri 16n nhat cia tham s6 m dé ham s
y =§x3 —mx’ +(8=2m)x+m+3 dong bién trén R.
A.m=2. B. m=-2. C. m=4. D. m=—4.

C6 bao nhiéu sé nguyén m dé ham s6 y =x’ +6mx” +6x —6 ddng bién trén R ?
A. 1. B.2. C. 3. D.O.

C6 bao nhiéu gid tri nguyén dwong cia tham s msao cho dé ham s
f(x)= —%x3 —(m—1)x* +(m—7)x—2nghich bién trén R.
A. 6. B. 4. C.s. D.3.

[THPT CHUYEN VINH] Cac gia tri ctia tham sé m dé ham s6 y = mx’ —3mx* —3x+2 nghich
bién trén R va d thi ciia n6 khong co tiép tuyén song song vai truc hoanh 1.
A. -1<m<0. B. -1<m<0. C.-1<m<0. D. -1<m<0.

Lo Ay o i a cros A 5 e R 1.3 A m A
Co6 tat ca bao nhiéu gia tri nguyén ctia tham s0 m dé ham so y = ?x3 —2mx* +(3m+5)x dong

bién trén R .
A. 6. B. 2. C.5. D. 4.

\ A 5 ’ [ L) A A1 A 1 A < A A
Tim tat ca cac gia tri cia tham s0 m dé ham s6 y = —(m2 - 2m)x3 +mx® +3x dong bién trén R .

m<0 m<0
A. m<0. B. . C. . D.1<m<3.
m=3 mz=3
[THPT Chuyén Thai Nguyén] Tim m dé ham s0:

3
f(x) =(m+2)x?—(m+2)x2 +(m—8)x+m2 —1 ludn nghich bién trén R.

A. m<-2. B. m>-2. C.meR. D. m<-2.

3
Cho ham sé: y = —x?+(a —l)x2 +(a +3)x—4. Tim a dé ham sé ddng bién trén khoang (O; 3)

A.azg. B. a<-3. C.a<-3. D.a>%.

Cho ham s y=%x3 -mx® +(m-2)x+5. Vi 0<m<9 thi co bao nhiéu gia tri m 1a s tu
nhién sao cho ham sé dong bién trén [2;5] ?

A. 7. B. 5. C.3. D. 1.

Vé6i moi gid tri m=avb, (a, beZ)thi ham s6 y=2x’—mx’+2xdong bién trén khoang
(=2;0). Khi d6 a+b bang?

A. 2. B. 1. C.3. D. 4.
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

(THPT Chuyén Ha Long - Quéang Ninh - Lan 2 -2018) Goi S 1a tap hop céc gia tri nguyén
duong cia m déhamsd y=x’ —3(2m + 1)x2 +(l2m + 5)x+ 2 d6ng bién trén khoang (2;+ oo) :
S6 phan tir ciia S bang
A. 1l B. 2 C.3 D. 0
Tat ca cac gia tri cia m dé ham sd f(x) = x’ —2mx” + x nghich bién trén khoang (1; 2)la:

A.ng. B.lSmS%. C. m<0. D.m>%.

[THPT Tran Phia-HP] C6 bao nhiéu gia tri nguyén cia tham s6 m dé ham sd
3 2

y= %—(Zm —1)%+ (m2 -m —2)x +1 nghich bién trén khoang (1;2).

A. 3. B. 0. C. 1. D. V6 s0.

Tim tat ca cac gia tri thuc cia tham sb m sao cho ham sé: y =—x’ +3x” +3mx—1 nghich bién
trén khoang (0;+<0)?

A.m<l1 B. m<-1 C.m=>-1 D. m<0

N A 1N A 1 A < A A ) A N1y
Tim m dé ham s0 y = ?x3 +mx’ + (m —2)x—§ dong bién trén doan c6 do dai bang 4:
A m=2 B. m=-2 C.m=-3 D. Ca A va C déu ding
Tim tat ca cac gia tri thuc cua tham s6 m déhamsd y=x" +3x> +mx+m giam trén doan c6 do dai

16n nhat bang 1.

A.m=—2. B. m=3. C.m<3. D.ng.

4 4
Tét ca cac gia tri thyc ctia tham sé m déhamsd y = 2x° +3(m—1)x2 +6(m—2)x+2017 nghich bién

trén khoang (a;b) saocho b—a>3 la

m<0
A.m>6. B. m=9. C. m<0. D.{ .
m>6

Tim tit ca cac gi4 tri thuc cia tham sé m dé ham sé y =sin® x—3cos’ x—msinx—1 ddng bién
trén doan {O;Z]
2
A.m>-3. B. m<0. C.m<-3. D.m>0.
Tim tat ca cdc gid tri thyc ciia tham s6 m dé ham s y =x* —2mx* nghich bién trén (—o0;0) va
dong bién trén (0;+0).
A. m<0. B. m=1. C.m>0. D.m=0.
(THPT Chuyén V6 Nguyén Gidp - QB - Lan 1 - 2017 - 2018 - BTN) C6 bao nhiéu gi4 tri

A 5 A A \ A 3 A < A A 5
nguyén duong cua tham so m dé ham so y :Zx4 —(m—1)x* —— dong bien trén khoang
X

(0;400)?
A. 1 B. 2 C.3 D. 4
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D. BAI TAP REN LUYEN

Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Cho ham s y= f(x)=x"+mx’ +2x+3. Tap hop tat ca cac gia tri cua tham s6 m dé ham s6
ddng bién trén R 1a

A.mS—\/g;mZx/g. B.m<—\/€;m>\/g. C.— 6<m<\/g. D.— 6£m£\/6.

\ A 5 ’ .7 . 5 A A \ A 1 A <A
Tim tat ca cc gid tri ctia tham sO m dé ham so y =§x3 +mx’ +(m+6)x—(2m+1) dong bien

trén R.
A. m<-2. B. m>3. C. 2<m<0. D. 2<m<3.

Véi gia tri nao cua tham sé m , ham sd y = x* —3mx’ + (m + 2)x—m dong bién trén R ?

m>1

A. 2. B.—g<m<1. C.—ESmsl. D.g<m<1.
m<—— 3 3 3

3
\ A Ay 9 s ag . o Je 21+ J X A
Tim tap hop Stat ca cac gia tri ciia tham s6 thuc m d€¢ ham so6 y = ?+ mx’ + (2m + 3) x+1dong

bién trén R
A. (—0;-3)U(L;+). B.[-13]. C. (—o0;—1]U[3;400). D. (-1;3).

3
Tim m dé ham s y=x?+mx2 —m(m—2)x+2019d6ng bién trén R .
A. 0<m<1. B. m>0. C. m=>1. D. m<0.

Tim tat ca cac gia tri thyc cta tham s6 m dé ham s6 y =x” +x* +mx +1ddng bién trén khoang

(—o0;+00).
A.mél. B.msi. C.mzl. D.mzi.
3 3 3 3

(THPT LUONG TAI - BAC NINH - LAN 2 - 2017 - 2018 - BTN)Tim tit ca cac gia tri ca
tham s& m sao cho ham s6 y = x* —3mx* + (9m - 6)x dong bién trén R ?

A. m>2 hoic m<1. B.1<m<2. C. m>2 hoac m<1. D.l<m<2.

Tim tat cac cac gia tri thyc cta tham s6 m dé ham sd y =x’ +3x* + mx+m ddng bién trén tap
xac dinh.
A. m<I1. B. m>3. C. -1<m<3. D. m<3.

\ A 1 3 A 5 , .y . 5 A A \
Cho ham s6 f'(x)= §x3 +2x* +(m+1)x+5. Tim tat ca cac gia tri thyc cta tham so m dé ham

s0 dong bién trén R .
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau l7:

Cau 18:

Cau 19:

A.m>3. B. m<3. C.m=3. D. m<-3.
Tim céc gié tri thuc cia m déhamsd y =§x3 —2x* + mx —1dong bién trén R.

A.[4;+oo). B.(4;+oo). C.(—oo;4). D.(—oo;4].

Cho ham s y = %)f —mx* + (4m —3)x+ 2017 . Tim gia tri 16n nhét ctia tham s6 thyc m dé ham

s6 di cho dong bién trén R .
A.m=1. B.m=2. C. m=4. D. m=3.

\ ) m \ ) . cp e , Ao 2 1x A
Cho ham s6 y = ?x3 —mx”* +3x+1(m 1a tham so thuc). Tim gia tri nho nhat ctiia m dé ham so

ddng bién trén R.
A. m=3. B. m=-2. C. m=1. D. m=0.

C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham sé y = x* +3mx* + (m - l)x —2 d6ng bién trén

tap xac dinh?
A. 2. B. 4. C.0. D. 1.

Tim tat ca cac gia trj thuc cta tham s6 m dé ham s6 y = —%x3 —mx” +(2m—3)x+2018 nghich
bién trén R .

A. m<l1. B. 3<m<lI. C. 3<m<l. D.m>1;m<-3.

Cho ham s§ y = gﬁ —2x" +(m+3)x+m. Tim gi4 tri nho nhét cta tham s6 m dé ham s6 dong

bién trén R .
A.m=—4. B. m=0. C.m=-2. D. m=1.

[Dé thi thir-Lién trwomg Nghé An-L2] SO gia tri nguyén cta tham s6 m thudc [—2;4] dé ham
sO y =%(m2 —l)x3 +(m+1)x2 +3x—1 dong bién trén R 1a:

A. 3. B.5. C.0. D.2.

Tim tt ca cac gia tri cia tham s m dé ham sb f(x)= (m2 —4)x3 +3(m-2)x° +3x—4dong

bién trén R .
A.m=>2. B. m<2. C.m>2. D. m<?2.

\ Ay o 1 cro , A 21 4 m .
Tim tat ca céc gia tri thyc cua tham s6 m dé ham so y = ?x3 —(m+1)x* +(m—2)x—3mnghich
bién trén khodng (—o0;+0).

A.;£m<0. B.mS—i. C. m<0. D. m>0.

\ Aro o0 cro, e 21 3 J m . - X A A . .
Tim tat c4 cac gia tri m dé ham s0 y = ?x3 —mx” +(2m—1)x—2 nghich bien trén tap xac dinh

cua no.
A. m<0. B. m>-1. C.m<2. D. m>0.
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

(THPT CHUYEN KHTN - LAN 1 - 2018). Tap hop tat ca cac gia tri ciia tham sém dé ham sé
y=x’—mx’—(m—6)x+1 dong bién trén khoang (0;4) la:
A. (—o0;6]. B. (—;3). C. (—0;3]. D. [3;6].

Tap hop céc gid tri m dé ham s y =mx’ —x’ +3x+m—2 ddng bién trén (-3;0) 1a

N Y A0 R | B e

p 1 L, . . , £
Cho ham s6 y =§x3 —(m+1)x* +m(m+2)x+2016. Tim tat ca cac gia tri thyc cua tham so m

dé ham sb dong bién trén khoang (3;7).

A.m=25. B. m<1. C. m<l1. D.m>27um<l.

(SGD Ha Nam - Nim 2018) C6 bao nhiéu gia tri nguyén duong cua tham s6 m dé ham sb
y=x"=3(m+1)x* +(6m+5)x—1 dong bién trén (2;+0)?
A. 1. B. 0. C. 3. D. 2.

[Cum 1 HCM] Véi tit ca cac gia tri thuc nao cta tham s6 m thi ham sb
y=x"=3(m+1)x* +3m(m+2)x nghich bién trén doan [0;1]?
A. -1<m<0. B. -1<m<0. C.m=>-1. D. m<0.

Tim tip hop S tit ca cac gia tri coa tham s6 thuc mdé ham s
1 .
y= 3x3 - (m + 1) X+ (m2 + Zm)x —3nghich bién trén khoang (—1;1) .

A. §=[-1;0] B.S=0. C. S={-1}. D. s=[0;1].

\ A 5 ’ (4 . 5 A \ A 1 1 .
Tim tat ca céc gia tri thuc ciia tham s0 m sao cho hamsd y = §x3 —mez +2mx —3m + 4 nghich

bién trén mot doan co do dai 1a 3?2
A.m=-1m=9. B. m=-1. C.m=9. D. m=1m=-9.

Tim tham s6 m dé ham sd y=x+3mx’ +3(m +1)x+2 nghich bién trén mot doan c6 do dai

16n hon 4.

1-21 1-\21, 1++/21
5 2 hoac m >

A. m< B. m<
2

C. m>

1++/21 1-+/21 1+4/21
D. <m<

2 2 2

Tim tat ca cac gia tri thuc cia tham s6 m déhamsd y= X 4+3x7 +mx+m giam trén doan c6 do dai
16n nhat bang 2.
A. m=0. B. m<3. C. m=2. D. m>3.
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

[AMSTERDAM-LAN-1-19-20] Tap tit ci cac gia tri cua tham s6 mdé ham s6
y=(m-1)x" —6mx” —6x+5nghich bién trén R 1a doan [a;b]. Khi d6 a+b biang

A.l. B.—l. C.l. D.2.

2 2

[THPT Pang Thuc Hia-2017] Tim tat ca cac gia tri thyc cua tham s6 m sao cho ham s
y=mx’ +mx’ +(m—2)x+2 nghich bién trén khoang (—o0;+00).
Mot hoc sinh da gidai nhw sau.
Budéc 1. Tacod y =3mx* + 2mx+(m—2) )
Buwéc 2. Yéu cau bai toan turong duong v6i y' <0,Vx € R < 3mx® + 2mx + (m - 2) <0,vxeR..
m<0

A'=6m-2m*<0
S m23em<0..

Buodc 3. y'<0,VxeR <
a=3m<0

m<0

Viy m < 0thoa min yéu cau bai toan.

Loi giai ciia hoc sinh trén 1a ding hay sai? Néu 10i giai 14 sai thi sai tir budc nao?
A. Dung. B. Sai tir budc 2.

C. Sai ¢ budc 3. D. Sai tir bude 1.

Tt ca cac gia tri thuc ciia tham sb m sao cho ham sé y =—x" +(2m—3)x* +m nghich bién trén
khoang (1;2) la [—oo; ﬁ} , trong d6 phan s6 LS gian va ¢ >0 . Hoi tong p+q 1a?
q q

A. 5. B. 9. C.7. D. 3.

Cho ham sé y = (m2 —2m)x4 +(4m —mz)x2 —4. Héi ¢ bao nhiéu gia tri nguyén cta tham sb

m dé ham s6 dong bién trén khoang (0;+).

A. 0. B. Vo sb. C.2. D. 3.
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BAI 38: BAI TOAN XET TiNH PON PIEU CUA HAM PA THUC .

A.LY THUYET:
Bai toan :
Xdc dinh tham sé xét tinh don diéu ciia ham da thirc.
Giasir y=f(x)=ax’ +bx’ +cx+d = f'(x)=3ax’ +2bx +c.

Cac dang thuong gap

| Ham s6 dong bién trén R khi va chi khi: . Ham s6 nghich bién trén R khi va chi khi:
(a>0 (<0
| {Aso {Aso
Ef'(x)ZO;VxeR@ a=0 éf'(x)SO;VxeR@ a=0
: b=0 § b=0
| [¢>0 | [c<0

Chu ¥: Truong hop 2 thi hé s6 ¢ khac 0 vikhi a=b=c=0 thi f(x)zd
(Puong thang song song hodc tring véi truc Ox thi khong don diéu)

1 Voi dang toan tim tham s6 m dé ham sd bac ba y= f(x;m) = ax’ +bx* + cx + d don diéu mot

chiéu trén khoang c6 do dai / ta giai nhu sau:
Budc 1: Tinh {f~{'}} (x) =3ax’ +2bx +c.

. a#0
Buwéde 2: Ham so don di¢u trén (xl;xz) < {yM{'}} =0c0 2 nghiém phan biét < {A 0 (*)
>

Burée 3: Ham s6 don diéu trén khoang c6 d0 dai | < |x, —x,| =1 & (x, +x,)" —4xx, =2(*¥)

Buoce 4: Giai (*) va két hop véi (**) dé suy ra gia tri m can tim.
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B. Vi DU MINH HQA

Caul:

Cau 2:

Cau 3:

Cho ham s6 y = ax® + bx” + cx+d . Ham s6 luon dong bién trén R khi va chi khi.

fa=b=0;c>0 5
A. 5 . B. a>0b"-3ac<0.
|a>0b"—-4ac<0

fa=b=0;c>0 B a=b=0;c>0

_a>0;b2—3acZO. i a>0;b2—3acSO'
Loi giai

Chon D

Taco y' =3ax’ +2bx+c

b=0

THI: a=0co y' =2bx+cdéham sé dong bién trén R@y'ZO,Vxe]R@{ 0
c>

a>0

TH2: a # 0dé ham s6 dong bién trén R <> y'>0,VxeR < s
A'=b"-3ac<0

a=b=0;c>0

Vay dé dé ham s6 dong bién trén R< ' >0,VxeR < s .
a>0b"—-3ac<0

A g A X oz 1 N .;
Co bao nhiéu gia tri nguyén ctia tham s6 m sao cho ham s6 f(x) = §x3 +mx” +4x+3 dong bién

trén R ?
A. 5. B. 4. C. 3. D. 2.

Loi giai
Chen A

Taco: f'(x)=x"+2mx+4
. 1 \ .
Hamso f(x)= §x3 +mx” +4x +3dong bién trén R

& f(x)=x>+2mx+4>0, Vx

A

) =m’—4<0,Vx-2<m<2 ma meZ@me{—Z;—l;O;lﬂ}.

C6 5 gia tri nguyén ctia tham sb m .

(THPT Chuyén Hung Vwong - Phd Tho - Lin 1 - 2018 - BTN) Ham sd
y= (x+m)3 +()c+n)3 —x" dong bién trén khoang (—oo;+0). Gid tri nhd nhat ciia bicu thirc

P:4(m2+n2)—m—n bang

A. -16. B. 4. C. —. D.

I
—_
N
A=
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Cau 4:

Caus:

Loi giai
Chon C

Ta co y'=3(x+m)2 +3(x+n)2 —3x =3[x2+2(m+n)x+m2+n2}

L » a>0
Ham s6 dong bien trén (—ooj+00) < < mn<0,
A<0
m=0
THI: mn:0<:>{ .
n=0
Do vai trd ctia m,n 1a nhu nhau nén ta chi can xét truong hop m=0.
=P=4n"-n= 2n—l —iZ—L(l).
4) 16 16
TH2: mn<0< m>0;n<0.
, o, 1
Taco P=|2m—— | —+4n +(—n)>——(2).
4 16 16

Tur (1),(2) taco P, =—%. Dau =" xay ra khi va chi khi m=%;n:0 hoic m=0;n=%.

min

Cho ham s6 y=—x’—mx’ +(4m+9)x+5 v6i m la tham so. C6 bao nhiéu gi4 tri nguyén cta
m dé ham so nghich bién trén khoang (—oo;+00)?
A. 4. B. 6. C. 7. D. 5.

Loi giai:
Chon C.

TXD: D=R.

Dao ham y' =-3x" —2mx +4m+9.

Dé ham s da cho nghich bién trén khoang (—o0;+00) thi < »'<0,VxeR ()" =0 ¢6 hiru han
nghiém) < A'<0 < m’ +3(4m+9)<0=-9<m<-3

—L > m={-9;-8;..;-3}.

X A 1 A g N R .
bé hamso y = g(m2 —l)x3 +(m + l)x2 +3x+5d06ng bién trén R thi tat ca gia tri thuc cua tham
sO m la:

m>2 m22
A.-1<m<2. B. -1<m<2. C. . D. .
m< -1

Loi giai
+ Ham s6 da cho xac dinh trén D=R.
+Taco: y' = (m2 —l)x2 +2(m+1)x+3.
+ Pé ham s6 dong bién trén R .

)20, VxeR ey =(m’ —1)x" +2(m+1)x+320,VxeR,

Truong hop 1: m* —1=0 &< m==+1.
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. 3 . \ »
+ Vi m=1:>y'=4x+3;y'>0<:>x>—Z: Ham s6 khong dong bién trén R .
+Voéi m=-1=>y'=3>0=Ham s6 dong bién trén R .
= m =—1 thao man diéu kién.

Truong hop 2: m* —120 < m # *1

m>1
>1
a>0 m?>=1>0 " [m<—l m>2
yebt <4 & 5 S im<-1 o =
A0 |(m+1) =3(m’ -1)<0 m>2  |m<-1
2m* +2m+4<0

m<-—1

m>2

Két hop hai trudong hop vay [ 112‘1 gi tri can tim.

m< —

Chu 6:  Tét ca céc gid tri cia m dé ham s6 y =(m—1)x’ =3(m—1)x* +3(2m—5)x+mnghich bién trén
R1a
A. m<l1. B. m<1. C. m=1. D. 4<m<l1.

Loi giai
Chon B
Cach 1: (Ty luén)
* Tap xac dinh D=R.
*Taco y' =3(m—1)x*—6(m—1)x+3(2m-5).
Ham s6 nghich bién trén R < 3" <0, Vx € R ; du bang chi xay ra ¢ hitu han diém
< (m-1)x*-2(m—-1)x+2m-5<0(1), VxeR.

(1)
+ Truong hop 1: m=1=-3<01udn thoa véi VxeR.

+ Truong hop 2: m =1, khi do diéu kién ctia bai toan tro thanh

a=m—-1<0 m<1 {m<1
5 = 5 = oS m<l.
A'=(m—l) —(m—l)(Zm—S)SO —-m>+5m—-4<0 m<lvm>4

* Vay céc gia tri cAn tim ctia m1a m<1.
Ciach 2: (Tric nghiém)
* Chon m=1= y =-9x+11ludn nghich bién trén R nén m =1thoa, suy ra loai A, D.

*Chon m=0=y=—x"+3x*—15xc6 y' ==3x"+6x—15<0, Vx e R nén ham s6 nghich bién

trén R, suy ra loai C.
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Cau 7:

@
IS
&
=
[t

. £ 1, (m+2) 2 .- \ £ A AR 2
Cho ham so yzgx —Tx +2mx+1v6i1 mla tham so thuc. Tap hop cac gia tri cia m dé

ham sb dong bién trén khoang (O; 1) la

A. (—oo;l]. B. [l;+oo). C. (—00;1). D. (1;+oo).
Loi gidi
Chon B
2
Ta céyz%f—(mT—i_)xz +2mx+1= y' =x"—(m+2)x+2m
x=m__, L » 0<1<m<2
y’zO@[ D¢ ham s6 dong bien trén khoang (0;1) thi[ =>m>1.
x= 0<1<2<m

Do ddé me [1;+oo)

Cach 2: T6 Quic An

Cau 8:

Ham s6 da cho dong bién trén khoang (0;1) Sy =x —(m+2)x+2m >0 Vxe(O;l)
& (x=2)(x-m)=0 Vxe(0;1) & x<m Vxe(0;1)

Vay m>1.

Bict rang ham s0 y = §x3 +3(m —l)x2 +9x+1(voi m 1a tham so thuc) nghich bién trén khoang

(xl;xz) va dong bién trén cac khoang giao véi (xl;xz) bang rong. Tim tit ca cac gia tri ciia m dé
|x1 —x2| =613
A.m=-1. B. m=3.
C.m=-3,m=1. D.m=-1,m=3.
Loi gidi:
Chon D.
Taco y' =x*+6(m—1)x+9.
Yéu cau bai toan <> 3’ =0 c6 hai nghiém phan biét x,, x, thoa man |x, —x2| =63

+Xx, :—6(m+1)

Theo dinh Iy Viet: {1
x.x, =9

Ta co: |x1 —x2|2 = (6\/3)2 = (x1 +x, )2 —4xx, = (6\/5)2

= (x5 +x,) —4xx, =(6V3) ©36(m-1) ~49=363 & (m-1) =4©[m=1—3
m=
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Cau9:

Cau 10:

Mot hoc sinh giai bai toan: “Tim tat ca gia tri cua tham s6 msao cho ham sd
y=mx’ +mx’ +(m —2)x+ 10 dong bién trén R .” theo cac budce nhu sau:

Buée 1. Ham s6 xac dinh trén Rva y' =3mx* +2mx+m—2.
Buée 2. Yéu cau bai toan twong duong véi ' >0,VxeR < 3mx” +2mx+m—-2>0,VxeR.

m>0
a=3m>0

L s =< m<0
A =6m-2m~ <0

Buoc 3. < {
m>3
Buéc 4. & m>3.Vay m>3.
Hoc sinh nay da bét dau sai ¢ budc nao?
A. Buéce 2. B. Budce 3. C. Budce 1. D. Budc4.
Loi giai
Chon A
Sai & budc 2 vi: Khi m=0=>y' = -2 (khong thoa yéu cau bai toan). Do d6 khi m = 0 thi yéu cau
bai toan tuwong duong v6i ' >0,Vx e R.
Cho ham s6 y=x"- 2(m —l)x2 +m—2 v6i m 1a tham s6 thuc. Tim tit ca cac gia tri m dé ham
s dong bién trén khoang (1;3).
A l<m<2. B. m<2. C. m<1. D.1<m<2.

Loi giai:

Cach 1:
. ’ 3 2 ’ x=0
Taco y' =4x —4(m—1)x=4x[x —(m—l)};y =0 | .
x =m-1
o Néu m-1<0=m<1——>y' =0 c6 mdt nghiém x=0 va y' d6i ddu tir "—" sang "+" khi

qua diém x =0—— ham s6 dong bién trén khoang (0;+oo) nén dong bién trén khoang (1;3).

Vay m <1 thoa man.

x=0
eNéum—-1>0m>1—>y =0 | x=—Vm—1.
x=+m—1
Bang bién thién
X | —0 —m-1 0 m—1 +00
V' - o + I - 0 +
y

N

Dua vao bang bién tién, ta c6 yebt <> Vm—-1<leom<2—151<m<2.
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Hop hai truong hop ta duge m e (—o0;2].

Cach 2:

V' =4x'=4(m-1)x>0 Vxe(;3) & x’+12m Vxe(L;3).

Dat h(x)=x2+1 voi xe(l;3), h'(x)=2x, h'(x)=0<:>x=0(l).

k 1 2
H (x) +

h(x) ) /10

Vay m<2.
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C. BAI TAP TREN LOP

Ciaul: (THPT Hoa Lu A-Ninh Binh-Lan 1-2018) Tim gia tri 16n nhat cia tham s m dé ham sd

y=1x3—mx2+(8—2m)x+m+3 dong bién trén R .
A.m=2. B. m=-2. C.m=4. D. m=-4.
Loi giai

TXD: D=R.

Taco y'=x"—2mx+(8—2m). Pé ham s6 dong bién trén Rthi » >0,VxeR

( Dau "="chi xay ra tai hitu han diém trén R)
DK: A<0=>m’+2m—8<0 < -4<m<2.
Vay gié tri 16n nhat cia m dé ham s6 dong bién trén R1a m=2.

Cau2: C6 bao nhiéu sé nguyén m dé ham s6 y = x* + 6mx* + 6x— 6 dong bién trén R ?
A. 1. B. 2. C.3. D. 0.

Loi gidi
Chen A

VY =3x" +12mx +6.

Dé ham s6 dong bién trén Rthi ' >0, VxeR.

a>0 {1>0 ﬁ
2

o o S 144m* -2<0 < —
A<LO0

) <m<
(12m) -43.6<0
Do d6 gia tri nguyén ctia m thoa yéu caula m=0.

V2
2
Cau3: Co6 bao nhiéu gid tri nguyén duong cia tham s msao cho dé ham s6
f(x) = —%x3 —(m—l)x2 +(m—7)x—2nghich bién trén R .
A. 6. B. 4. C.5. D.3.
Loi giai
Chon D

Taco f'(x)=—x"=2(m—1)x+m—7
Ham s6 nghich bién trén R < f(x)<0Vxe R < —x* —2(m—1)x+m-7<0,vxeR

a<0 —1< 0 (hieannhiean)
<:>{ eom -m-6<0<-2<m<3

A<0” [—(m—l)]2+(m—7)s0
Do m e N"nén me{1;2;3}.

Vay c6 3 gia tri nguyén duong cua tham s6 m thoa man yéu cau bai toan.
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Cau 4:

Cau 5:

Cau 6:

[THPT CHUYEN VINH] Céc gia tri ciia tham sb m dé ham sb y =mx’ —3mx* —3x+2 nghich
bién trén R va do thi cta n6 khong c6 tiép tuyén song song véi truc hoanh 1a.
A. -1<m<0. B. -1<m<0. C.-1<m<0. D. -1<m<0.

Loi giai
Phin tich: Ham sb nghich bién trén R <> 3’ <0VxeR va ' =0 chi tai mot s6 hitu han diém.
Do thi ham s6 khong c6 tiép tuyén song song vai truc hoanh < 3’ =0 v6 nghiém.
Két hop 2 diéu kién ta duoc ' <OVxeR.
Huwéng din giai.
TXD: D=R.
¥ =3mx’ —6mx-3.
Néu m=0 thi ' ==3<0VxeR (thoa man).
m<0 m<0
A,<0<:>{ < -1<m<0.

Két hop 2 truong hop ta duge: —1<m<0.

Néu m # 0 thiycbt & y'<0VxeR < R
Om™ +9m <0

r A ETI A 4 2 1 £ m X
C6¢ tat ca bao nhiéu gia tri nguyén ctia tham s6 m dé ham sd6 y = ?x3 —2mx” + (3m + S)x dong

bién trén R.

A. 6. B.2. C.5. D. 4.
Loi giai

Tacod ¥ =mx’ —4mx+3m+5.

Véia=0<m=0=y =5>0. Vay ham s6 dong bién trén R .

Véi a#0< m=0. Ham s6 da cho dong bién trén R khi va chi khi

0 - a>0 m>0

'>0,VxeR< &

Y A<0 (Zm)z—m(3m+5)SO
m>0 m>0

= = = 0<m<s.
m>—5m<0 0<m<5

Vi meZ:wne{O;l;2;3;4;5}.
. . . . 1 \ ‘
Tim tat ca cac gia tri cua tham so m dé ham so y=—(m2 —Zm)x3 +mx” +3x dong bién trén R .
m<0 m<0
A. m<0. B. . C. 3 D. 1<m<3.
m2>3 m=3

Loi giai
Chen C

Ta c6: y'=(m2—2m)x2+2mx+3.
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

5 m=0
TH1: m -2m=0 < .
m=2
Véi m=0, y'=3 = y'>0,Vx. Do do, m =0thoa min ham sé dong bién trén R .
Véi m=2, y'=4x+3. Do d6, m = 2 khong thoa man ham s dong bién trén R .

=0
TH2: m* -2m#0 < {m .
m#?2

m*=2m>0

Ham s6 dong bién trén R < 5 5
A'=m’=3(m’ —2m)<0

m>?2
m* —2m >0 m<0 m>3
IS = IS .
2m*+6m<0 m>3 m<0
m<0

. |m=<0 O W
Vay thoa man yéu cau bai toan.
m>3

Cau7: |[THPT Chuyén Thai Nguyén] Tim m dé ham s0:
f(x) = (m+2)x?3—(m+2)x2 +(m—8)x+m2 —1 Iuén nghich bién trén R.
A.m<-2. B. m>-2. C.meR. D. m<-2.
- Loi giai

Cach 1:
Taco f'(x)=(m+2)x* =2(m+2)x+m-8.
Truong hop m=-2,taco f'(x)=-10<0;VxeR (1).
Truong hop m # -2, ta c6 dé ham sb da cho ludn nghich bién trén R thi:
' m+2<0
f{x)<0 Q{A'z(m+2)2—(m+2).(m—8)$0
m<-2 m<-2
©{(m+2)[(m+2)—(m—8)]£0 Q{IO.(m+2)S0
om<-2(2)
Tur (1) va (2) suy ra dé ham s6 da cho ludn nghich bién trén R thi m<-2.
Cach 2:
Taco y'=(m+2)x2—2(m+2)x+m—8.
Yéu ciu bai toan <> y'<0, Vxe R(y'=0 co htru han nghiém):
TH1 e m+2=0&m=-2,khido y'=-10<0, VxeR (thoa man).

TH2 a=m+2<0 m+2<0 5
° . _
A'=(m+2) —(m+2)(m-8)<0”  |10(m+2)<0 = "°
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Hop hai truong hop ta duge m <-2.
3

Ciu8: Chohamsd: y= —x?+(a—l)x2 +(a +3)x—4. Tim a dé ham s ddng bién trén khoang (O; 3)

A.aZE. B. a<-3. C.a<-3. D.a>%.

| 7

Taco: y'=—x*+2(a—1)x+a+3.
Dé ham s6 dong bién trén khoang (0;3)thi y'>0, Vxe(0; 3)

x2+2x-3
@aZW,Vxe(O; 3)©a2r(r(}g))<f(x).

_ xP+2x-3

Xéthamsé f(x) S
x

trén khoang (0; 3)

1Y 15
2x* +2x+8 2 x+5 Y
Taco f'(x)= — = —>0, Vxe(0; 3).
(2x+1) (2x+1)
= f(x) luén dong bién trén khodng (0; 3) = %%y);f(x) =1(3) :%,

12
Vay m>—.
ay 7

Cau9: Cho ham sb y=%x3 -mx® +(m-2)x+5. V6i 0<m<9 thi c6 bao nhiéu gia tri m 1a sb tu

nhién sao cho ham sé dong bién trén [2;5] ?
A. 7. B. 5. C.3. D. 1.
Loi giai

r \ 5 \ A 1x 2
Ta c¢6 dao ham ciia ham so la y’=x"—2mx+m—2

2
D¢ ham s6 dong bién trén [2;5] = »%0; "x[[2;5] & m> _); 112, "x[[2;5]
2x

X242
< m 2 Max| f(x) = *
m xe[?;?]{(x) -2x+1}()

2
) 2 x-l +z
2x -2x+4: 2 2

(-2x+1)? (-2x+1)?

23 23
Vay Max f(x)=f(5)="2; (* >22
ay Max f(x)=1(5) 5 (*)=m 9

Ta co f(x)= >0; "x[[2;5] = £(2)<f(5)
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

Y 23 S ,
Suy ra theo dé bai me{?ﬂ} = me{3;4;56,7;8,9} = co 7 gia tri cua m thoa man.

Cau 10: Vé6i moi gid tri m>avb, (a, beZ)thi ham s6 y=2x’—mx’+2xdong bién trén khodng
(=2;0). Khi d6 a+b bang?
A 2. B. 1. C.3. D. 4.
Loi gidi
Tap xac dinh D=Rva (-2;0)eD.
Y =6x"—2mx+2.

Ham s dong bién trén khoang (-2;0) < »'20,Vxe(-2;0)

c>6x2—2mx+220,Vxe(—2;0) <:>m23x+l,‘v’xe(—2;0).
X

bat g(x) =3x+l,‘v’xe(—2;0).
x

Khi do: m23x+l,‘v’xe(—2;0) < m>max g(x).

b (-2:0)
g’(x)=0c>3—%=0<:>x=—?,‘v’xe(—2;0)
X
Bang bién thién:
X -2 fﬁ 0
3
g'(x) + 0 -

Tir bang bién thién suy ra: m 2{1122_13 g(x) em=-213.

Suyra a=-2,b=3.
Vay a+b=-2+3=1.

Céau 11: (THPT Chuyén Ha Long - Quéang Ninh - Lan 2 -2018) Goi S 1a tap hop céc gia tri nguyén
duong ctia m dé ham s6 y=x*—3(2m+1)x” +(12m+5)x+2 dong bién trén khoang (2;+00).
S6 phén tir ciia S bang
Al B. 2 C.3 D. 0

Loi giai
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.
Tap xac dinh D=R.
Y =3x"=6(2m+1)x+12m+5.

Ham sb dong bién trong khoang (2;+00) khi y' >0, Vx (2;+0)
c>3x2—6(2m+1)x+12m+520, Vx €(2;+0).

2
35— 6(2m+1)x+12m 4520 o m< O3

l2(x—1)

_3x"—6x+5

Xéthamsé g(x)= 2(x-1) voi x e(2+w).
o

_ 3x? —6x+1

2( 1)2 >0 v6i Vxe(2;+0) = hamsé g(x) dong bién trén khoang (2;+ ).
Y

g'(x)

Dodo m<g(x).Vxe(2+x) =>m<g(2) @mS%.
Vay khong c6 gia tri nguyén duong nao cua m thoa man bai toan.

Cau 12: Tat cd céc gid tri cia m dé ham sé f(x) =x° —2mx” + x nghich bién trén khoang (1;2) la:

A.mZ%. B.lSmS%. C. m<0. D.m>£.

Loi giai
Chon A

[phwong phap tw luin]

f(x)=3x"—4mx+1.

Ham s6 nghich bién trén (1;2)khi va chi khi f’(x)<0, Vxe(1;2)

2
Khi do 3x2—4mx+130<:>m23x4+1 (1).
X
2
Dit g(x)=3x +1;tép xac dinh D =(1;2).
12x° 4 x:? )
"(x)=""" ¢'(x)=0 .
X=—- (7)
3
. . 13
ime(x) =1 fipe(x) =%

Ta c¢6 bang bién thién ham sé y = g(x) :
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

x |1 2

y' +

) 13
1 8

. 1
Tur bang bien thién, (1) luon dang khi m Zg .

[phwong phap tric nghiém]

Thay m =2, 1ap bang bién thién ham s6, ta thdy thoa man yéu cau bai toan, loai dap an B, C.
13 A 5 A ‘A \ A A 5 ~ A A e I3 . r ’
Thay m= R 18p bang bién thién ham so, ta thay thoa man yéu cau bai toan, loai dap an D.

Cau 13: [THPT Trin Pha-HP|] C6 bao nhiéu gia tri nguyén cua tham s6 m dé ham sb

3 2
y :%—(Zm —1))C?+(m2 -m —2)x+1 nghich bién trén khoang (1;2).
A. 3. B.0. C. 1. D. V6 sb.
Loi gidi

Chon A

Ham s6 y="?3—(2m—1)’“—22+(m2 —m=2)x+1 nghich bién trén khoang (1;2).
ey'=x"-2m-1)x+m’-m-2<0 Vxe(1;2).

Gidi bat phuong trinh x> —(2m—1)x+m* —m-2<0 duoc tip nghiém S =[m—2;m—1].

. m—2<1
Khi d6 yéu cau bai toan twong duong véi (1;2) = [m—2;m—1] <:>{ 1>2<:>1£m£3.
m—1>

Vay c6 3 gia tri nguyén cua m can tim.

Céu 14: Tim tat ca cac gia tri thuc ctua tham sb m sao cho ham sb: y = —x’ +3x” + 3mx —1 nghich bién
trén khoang (0;+0)?

A. m<1 B. m<—1 C.m>-1 D. m<0
Loi giai

Ta co: y'=-3x"+6x+3m. Ham s6 nghich bién trén khoang (0;+o0) thi:

y'<0< =3x" +6x+3m<0,Vx (0;+0)

< x*=2x2m,Vx e(0;+0)
bat f(x)=x’-2x,Vx e(0;+00) Ta di tim GTNN cua ham f'(x),Vx & (0;+o)

Ta co:
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 15:

Cau 16:

Cau 17:

f'(x):2x—2
f'(x)=0©2x—2=0©x=1.

Taco: f(0)=0; f(1)=-1, lirgof(x) =+00

Véy dé ham s6 nghich bién trong khoang (0;+0) thi: g}irl)f(x) >mem<-1.

Tim m dé ham sé y = _?lf +mx’ +(m —2)x—§ dong bién trén doan co do dai bang 4:
A.m=2 B. m=-2 C.m=-3 D. Ca A va C déu dung
Loi giai

Chon D

Tacod y'=—x"+2mx+m—2va A'=m* +m—2

Truong hop 1: A'<0=> Ham s6 nghich bién trén R . Truong hop nay khong thoa.
Truong hop 2: A'>0& m’ +m-2>0m<-2vm>1 (%)

Khi d6 phuong trinh y'=0 c6 2 nghiém phén biét x,,x, .
Yeéu ciu bai toan < |x, —x,|=4 & (x, +x,) —4xx, =16 (1)

X +x,=2

m \ 2 m=-3 2
thay vao (1) ta dugc 4m”+4m—-24=0< (thda

Theo dinh 1§ vi-ét ta co: T
XX, =2-m m=2

*))
Tim tat ca cac gia tri thuc cua tham s6 m dé hamsd y = x° +3x” +mx +m giam trén doan co do dai
16n nhat bang 1.

9 9
A.m=——. B. m=3. C. m<3. D. m==.

4 4

Loi giai:

Taco y'=3x>+6x+m.

Yéu cau bai todn <> y'=0 c6 hai nghiém phan biét x,, x, thoa man |x1 —x2| =1

A'=9-3m>0 m<3 m<3
9
= JA' = _ = om=—.
2%:1 , N9=3m _, mZ% m=y
a 3

Tét ca cac gia tri thyc ciia tham sé m déhamsd y = 2x° +3(m—1)x2 +6(m—2)x+2017 nghich bién

trén khoang (a;b) saocho b—a >3 la

m<0
A.m>6. B. m=9. C. m<0. 2.{ .
m>6

Loi giai
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

Taco y' =6x"+6(m—1)x+6(m—2)

Ham sd nghich bién trén (a;0) = x* +(m—1)x+(m—2)<0Vxe(a;b)
A=m’>—6m+9

THI1: AS0:>x2+(m—1)x+(m—2)20 VxeR=Voli

TH2: A>0<& m#3=y' ¢ hai nghiém x,,x, (x, > x;)

= Ham s6 ludn nghich bién trén (x;x, ).

Yéu cau dé bai:

ox,-x>3a(n-x) >9= 85 -4P>9

<:>(m—1)2—4(m—2)>9©m2—6m>0<:>{m>6
m<0

Cau 18: Tim tit ca cac gia tri thuc cua tham s6 m dé ham s6 y =sin’ x—3cos’ x—msinx—1 dong bién
T
trén doan {0;5]

A.m>-3. B. m<0. C. m<-3. D. m>0.

bat sinxzt,xe{o;g} :>te[0;l]

Xéthamso f(t)=1+36" —mt—4

Taco f'(t)=3t"+6t—m

Dé ham sb f(t) d6ng bién trén [0;1] can:

f1(1)20  Vie[0l]e 3 +6t-m=0 Vie[0l]<3 +6t>m  Vie[0]]
Xétham s6 g(t)=3¢"+6¢

g'(t)=6t+6

g'(t)=0=1=-1

Béng bién thién
t 0 1
g'(1) *
9
g(7) /
0

Nhin véo bang bién thién ta thiy v6i m <0 thi hamso f(¢) dong bién trén [0;1], hamsb f(x)

dong bién trén doan {O;%} .
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 19:

Cau 20:

Tim tat ca cdc gié tri thuc cua tham s6 m dé ham sé y =x" —2mx* nghich bién trén (—o0;0) va
dong bién trén (0;+0).
A. m<0. B. m=1. C.m>0. D.m=#0.

Loi giai:

Taco y'=4x3—4mX=4x(x2—m); y'=0<:>{
X =m

TH1 @ m<0——>y'=0 c6 mot nghiém x=0 va y' doi dau tir "=" sang "+" khi qua diém
x =0—— ham s6 nghich bién trén (—o0;0) va ddng bién trén (0;+00).

TH2 ® m>0—>y"'=0 c6 ba nghiém phan biet —/m; 0; Vm.

Lap bang bién thién ta thdy ham s dong bién trén cac khoang (—\/; ;0) va (\/E ;+oo) , nghich
bién trén cac khoang (—oo; Jm ) va (0; Jm ) . Do d6 trudong hop nay khong théa min yéu cau bai
toan.

(THPT Chuyén V3 Nguyén Giap - QB - Lan 1 - 2017 - 2018 - BTN) C6 bao nhiéu gié tri

nguyén duong ctia tham s6 m dé ham sé y =%x4 —(m-1)x*- dong bién trén khoang

4
X
(O;+oo) ?

A. 1l B. 2

(@)
w
&
N

Loi gidi
Tap xac dinh : D= ]R\{O} .
1
X
Ham s6 dong bién trén khoang (0;+0) khi va chi khi y' >0, Vx e (0;+00).

y'=3x=2(m-1)x+

<:>3x3—2(m—1)x+i520,Vxe(O;+oo).
X
3, 1
o m<=x’+1+—,Vxe(0;+0).
2 2x
Xét ham sb f(x)z%x2+l+§,xe(0;+oo).
Taco: f’(x)=3x—i7,xe(0;+oo).
x

f’(x)=3x—i7=0<:>x=4_r1.
X

Béng bién thién :
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

+ao

IIa -

Tir bang bién thién ta thiy : <> m < f(x),Vx e (0;+0) <:>m<rn1nf( ) m<3.

(0 +oo

Gi4 tri nguyén duong ctiathamsd m 1a m=1, m=2 va m=3.

D. BAI TAP REN LUYEN

Caul:

Cau 2:

Cau 3:

Cho ham s y= f(x)=x"+mx’ +2x+3. Tap hop tit ca cac gid tri cua tham sd m dé ham s

ddng bién trén R 1a

A.mS—\/g;mZx/g. B.m<—\/g;m>\/g. C.— 6<m<\/g. D.— 6SmS\/6.
Loigiai

Taco f'(x)=3x"+2mx+2.

a=3>0,Vm
AN=m’-6<0

o Je<m<6.

Ham sé dong bién trén R <:>f'(x)20,‘v’xeR<:>{

\ A 5 ’ .7 . 5 A A \ A 1 A <A
Tim tat ca cAc gia tri clia tham s0 m dé ham so y = §x3 +mx’ +(m+6)x—(2m+1) dong bicn

trén R,
A.m<-=2. B. m>3. C. 2<m<0. D. 2<m<3.

Loi gidi
Y =x"+2mx+m+6.

Ham s6 da cho dong bién trén R khi va chi khi y'>0; VxeR.
A'<0 5

= oSm -m—-6<0 & -2<m<3.
a=1>0

Vay —2 < m<3thi ham s6 di cho dong bién trén R .

Vi gid tri nao cua tham s6 m, ham s6 y = x° —3mx* + (m + 2)x —mdong bién trén R ?
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 4:

m>1

A. 2. B.—§<m<1. C.——<m<l. D.§<m<1.

Loi gidi

Taco: ¥ =3x" —6mx+m+2. Ham s6 di cho dong bién trén R khi va chi khi

y'ZO‘v’xeR@A'=9m2—3(m+2)£0<:>—§£m£1.

3
\ A Ry o g ag. ,( 213 J4 X A
Tim tap hop S'tat ca cac gia tri ctia tham so6 thuc m d€ ham s6 y = £y +mx’ + (2m + 3)x +1dong

bién trén R .
A. (0;-3)U(L;+®). B. [-13]. C. (—o0;—1]U[3;400) . D. (-1;3).

Loi gidi
Chen B

Tap xac dinh D=R.

Y =x"+2mx+2m+3.

Ham sb dong bién trén R < y'>0,Vx e R va y'=0chi xay ra ¢ hitu han diém trén R.
X +2mx+2m+3>0,VxeR.

SAN=m"-2m-3<0<-1<m<3.

Viy meSz[—l;3].

3
Tim m dé ham s6 y=%+mx2—m(m—2)x+2019déng bién trén R.

A. 0<m<1. B. m>0. C. m=1. D. m<0.
Loi giai

Tap xac dinh ham s6 D=R.

Taco y'=x*+2mx—m(m—-2).

Dé ham s6 dong bién trén ' >0, VxeR.

C>A'=m2+m(m—2)=2m2—2mS0<:>0£m£1.
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Tim tat ca cac gi tri thuc cua tham sb m dé ham sé y =x” +x* +mx+1ddng bién trén khoang

(—o0;+00) .
A.mSl. B.mgi. szl. D.mzi.
3 3 3 3
Loi giai
’ 2 ‘ A 3 A <A N P ) . 3>0 1
¥ '=3x"+2x+m. Ham so dong bién trén R khi va chi khi Smz—.
A'=1-3m<0 3

(THPT LUONG TAI - BAC NINH - LAN 2 - 2017 - 2018 - BTN)Tim tit ca cac gia tri cua

tham s6 m sao cho ham s6 y = x* —=3mx” +(9m—6)x dong bién trén R ?

A. m>2 hoaic m<1. B.1<m<2. C. m>2 hoac m<1. D.l<m<2.
Loi giai

Y =3x" —6mx+9m—6;y =0 < 3x> —6mx+9m—6=0.

Ham s dong bién trén R khi va chi khi y'>0VxeR

3>0
IS =1<m<L2.
A =9m*=27m+18<0

Tim tat cac cac gia tri thuc cta tham s6 m dé ham s6 y =x’ +3x” + mx+m ddng bién trén tap
xac dinh.
A. m<1. B. m=>3. C.-1<m<3. D. m<3.

Loi giai:

TXD: D=R.Dao ham y'=3x"+6x+m.

m=>3.

o » a>0 3>0
Ycbt < y'>20,VxeR (y'=0 c6 hitu han nghiém) <

= =
A'<0 9-3m<0

\ A 1 N A 5 ’ s . 5 A A \
Cho ham 8o f'(x)= §x3 +2x* +(m+1)x+5. Tim tat ca cac gia tri thyc cta tham s0 m dé ham

s6 dong bién trén R .
A.m>3. B. m<3. C. m>3. D. m<-3.
Loi giai

Tap xac dinh D=R.

Ta co f'(x)=x2+4x+m+1.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 10:

Cau 11:

Cau 12:

D¢ ham s6 dong bién trén R < f'(x)20, VxeR.

< X +4x+m+120, VxeR.
o AN=4-m-1<0

& m=3.

Tim céc gié tri thyc cia m dé hams6 y = %x3 —2x* + mx —1d0ng bién trén R.

A.[4;+). B.(4;+). C.(—o0;4). D.(—0;4].
Loi gidi

Tap xac dinh cua ham sb: D =R.

Taco: y'=x"—dx+m.

Ham s6 dong bién trén R khi va chi khi y'=x*—4x+m>0,VxeR

m=4

a=1>0,VxeR
= =
AN=4-m<0,VxeR

Cho ham s6 y = %x3 —mx” +(4m—3)x+2017. Tim gié tri 16n nhét cia tham s6 thuc m dé ham

s6 di cho dong bién trén R .
A. m=1. B. m=2. C. m=4. D. m=3.

Loi giai
Chen D

Tap xac dinh D=R . Dao ham y'=x>—2mx+4m—3.

PDé ham sb dong bién tréen R p'>0,VxeR(p'=0 c¢6 hitu han nghiém)
SA=m"—4m+3<0=1<m<3.

Suy ra gia tri lon nhat ctia tham sé m thoa man yebt la m=3.

. % m . £ . o , A, o 2 1+ J4
Cho ham s6 y = ?xS —mx” +3x+1(m 1a tham so thuc). Tim gi4 tri nho nhat cia m dé ham so

ddng bién trén R.
A.m=3. B. m=-2. C. m=1. D. m=0.

Loi gidi.
Chon D

Taco: D=R.
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

Cau 13:

Cau 14:

Cau 15:

Y =mx’ —2mx+3.
Ham s déngbién trén R < y'>0,Vxe R <:>mx2—2mx+320,‘v’xeR(*)
Truong hop 1: m=0=>y'=3> 0= Ham s6 dong bién trén R =>m = 0thoa yéu cau.

Truomg hop 2: ($) 4" 0<m<3
raon . = = m=s=»o.
s hep AN=m"-3m<0

Két hop hai trudng hop ta c6 0<m <3nén m =0thoa yéu cau dé bai.

C6 bao nhiéu gi4 tri nguyén ctia tham s6 m dé ham s6 y =x" +3mx” +(m—1)x —2 dong bién trén
tap xac dinh?
A 2. B. 4. C.0. D. 1.
Loi gii

Tap xacdinh D=R.
Tac6 y' =3x" +6mx+m—1. DEham s6 dong bién trén tap xdc dinh thi )’ >0,VxeR (1).

3>0 2 x o - N
(1) = A<0 < 9m —3(m —1) <0. Bat phuong trinh c6 a > 0;A <0, nén bat phuong trinh vo

nghiém. Vay khong tim dugc gia tri ndo cia m thoa min dé bai.

Tim tat ca céac gia tri thuc ctia tham so m dé ham s6 y = —§x3 —mx’ +(2m—3)x+2018 nghich
bién trén R.
A. m<l1. B. -3<m<1. C. 3<m«<l1. D.m>2l, m<-3.
Loi gidi
Tap xac dinh D=R.

!

Y =—x"=2mx+2m-3.

. . a=-1<0
Ham so0 nghich bién trén R < ) < -3<m <1.
AN'=m"+2m-3<0

\ A m \ croe 5 A, Je 21 A a2
Cho ham so y=?x3 —2x* +(m+3)x+m. Tim gia tri nh6 nhat ciia tham s m dé ham so dong

bién trén R.
A. m=—4. B. m=0. C.m=-2. D. m=1.

Loi giai:
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 16:

Cau 17:

TXD: D=R.Dao ham: y'=mx’ —4x+m+3.

Yéu cau bai toan < »'20, VxeR (y'=0 co hitu han nghiém):
THI1. e m=0 thi y'=—4x+320<:>x£% (khong thdéa man).

a=m>0

' 2 A
Ay,z—m -3m+4<0

TH2. e {

Suy ra gia tri m nho nhét thoa man bai toan 1a m=1.

[Pé thi thir-Lién trwong Nghé An-L2] S6 gia tri nguyén ctia tham sé m thudc [—2;4] dé ham
sO y= %(m2 —l)x3 +(m+1)x” +3x—1 dong bién trén R la:

A. 3. B. 5. C.0. D. 2.

Huwéng dén giai

Tap xac dinh D=R.

y’:(mz—l)x2+2(m+1)x+3.

Pé ham s6 da cho dong bién trén R thi y'>0VxeR.

Xét m* —1=0=m=+1.

Vc’rim:1:>y’=2x+3,y'>0<:>x>—% (khong thoa VxeR).

Voim=-1=y'=3>0VxeR.

Xétm* =120 m==+1.

y'ZOVxeR@{m2_1>0 @{m<—lvm>1
A'=(m+1) =3(m*=1)<0 " |-2m’ +2m+4<0

m<-lvm>1 m<-—1
{mﬁ—lvaZ {m22
MameZ, m e[—2;4] nén me{—2;2;3;4}.
Két hop voi m=—1.
Vay c6 5 gia tri m nguyén thudc [—2;4] dé ham sb da cho dong bién trén R .

Tim tit ca cac gia tri ciia tham s& m dé ham s f(x) =(m2 —4)x3 +3(m-2)x* +3x—4dong

bién trén R .
A.m>2. B. m<2. C.m>2. D. m<2.

Loi giai
Chen A

Tap xacdinh: D=R
Taco: f'(x)=3(m’ —4)x" +6(m—2)x+3

*V6i m=2taco: f'(x)=3>0; VxeR = m=2thoa man dé bai.
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2D1-BT38:Bai toan Xét don diéu ciia ham da thirc. When the student is ready , the teacher will appear.

Cau 18:

Cau 19:

*V6i m=-2tacod: f'(x)=-24x+3 = m=-2khong théa min dé bai.

*V6i m#+2ta cod: f(x)1a mot tam thirc bac hai. Tlr 6 dé ham s6 dong bién trén R diéu kién

m’—4>0 {m2—4>0

2.
(m—2)2—(m2—4)£0<:> ameg<o "

la

Két hop céac truong hop ta duge m>2.

Tim tat ca cac gi tri thuc ctia tham sb m dé ham sé y = %xS —(m+1)x* +(m—2)x—3mnghich
bién trén khoang (—oo;+oo) .
1

A._TlSm<O. E.ms—z. C. m<0. D. m>0.

Loi giai
Chen B
TXD D=R.
V' =mx’ =2(m+1)x+(m-2).
Ham s6 nghich bién trén R < y'<0VxeR.

TH1: m=0tacod y'=-2x-2 (khong thoa man)

m<0 {m<0 {m<0 1

<——.
A,S0<:> (m+1)2—m(m—2)£0<:> <m

TH2: m#0tacod y' <0<
1+4m<0 4

Tim tit ca cac gia tri mdé hamsb y = %xS —mx’ +(2m—1)x—2nghich bién trén tip xac dinh

cua no.

A. m<0. B. m>-1. C. m<2. D. m>0.
Loi giai

Chon A

Tap xac dinh D=R

Truong hop 1: m=0

Ham s tro thanh y = —x +2nghich bién trén R = m = 0 thoa man.

Truong hop 2: m#0

Y =mx® —2mx+2m—1

Ham s nghich bién trén tap xac dinh < y'<0,VxeR.

(Dau '="'xay ra tai hitu han diém trén R)
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 20:

Cau 21:

m<0
m<0 m<0 m<0
bK: <9, < Sqm=2l <& m<0.
A'<0 m* —m(2m—-1)<0 —m*+m<0 <0
m<

Két hop ca 2 truong hop ta dugc m<0

(THPT CHUYEN KHTN - LAN 1 - 2018). Tap hop tat ca cac gia trj cua tham sbm dé ham sb
y=x —mx’ —(m —6)x+1 ddng bién trén khoang (0; 4) la:

A. (—o036]. B. (—;3). C. (—=;3]. D. [3;6].

Loi giai
Chen C

y'=3x" =2mx—(m—6). Dé ham s6 dong bién trén khoang (0;4)thi: y' >0, Vx e (0;4).

2
tire 1a 3x* —=2mx—(m—6) >0 Vx (0;4) < 3x +6 >mVxe(0;4)
2x+1
2
Xét ham s6 g(x)= 32xx:16 trén (0;4).
g,(x):6x2+6x—12 ()= x=1€(0;4)
(2x+17 x=-2¢(0;4)
Ta c6 bang bién thién:
T 0 1 =
g'(x) - 0 +
6 :)4
13
e \ /
3
2
Viy dé g(x): 32);:16 >m Vxe(0;4)thi m<3.

Tép hop cac gid tri m dé ham sd y =mx’ —x* +3x+m—2 ddng bién trén (-3;0) la

N Y O R | B ]

Loi gidi:

D=R

Tacé y'=3mx’ —2x+3. Ham s6 dong bién trén khoang (—3;0) khi va chi khi:
y'20,Vxe(-3;0) (Dau "=" xay ra tai hiru han diém trén (-3;0))

< 3mx* -2x+320, Vxe(-3;0)
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2D1-BT38:Bai toan Xét don diéu cia ham da thirc. When the student is ready , the teacher will appear.

@m_zg 3 =g(x) Vxe(-3;0)
Taco: g'(x)= —2x+6 ;g (x)=0x=3
BBT
x| -3 0 y
; _l\>—w
7

Vay mZt{I_l}ilg);g(x)z—%.

Ciu 22: Cho hamsb y =%x3 —(m+1)x* +m(m+2)x+2016. Tim tt ca cac gia tri thuc cia tham s6 m
dé ham s dong bién trén khoang (3;7).
A.m2=5. B. m<1. C. m<I. D.m>27um<l.
Loi giai
y=%x3—(m+1)x2+m(m+2)x+2016:>y'=x2—2(m+1)x+m(m+2).

x=m L .
y'=0& { . Liic nay ham s6 dong bién trén cac khoang (—oo;m), (m+2;+o).
x=m+

Lo ,, m+2<3 m<1
Vay ham so dong bién trén khoang (3; 7) = =

m=>7 m>7

Céau 23: (SGD Ha Nam - Nim 2018) C6 bao nhiéu gia tri nguyén duong cua tham s6 m dé ham sb
y=x"=3(m+1)x’ +(6m+5)x—1 dong bién trén (2;+00)?
Al B.O. C. 3. D.2.
Loi gidi
Taco y' =3x"—6(m+1)x+6m+5.
Ham s6 dong bién trén (2;+00) khi y' =3x"—6(m+1)x+6m+520 Vxe(2;+m0).
3x* —6x+5

3x* —6x+5>6m(x—1 < = .
S 3x" —6x+ m(x )c>m P f(x)
18x* —36x+6
Taco: f'(x)=——"">0Vxe(2;+x).
()=t (2:4%)

BBT
X 2 +90
f(x) +

e |5_—
6
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Vay m S% nén khong c6 gia tri nguyén duong nao cia m thoa ycbt.

Cau24: [Cum 1 HCM] Véi tit ca cac gia tri thuc nao cua tham s6 m thi ham s
y=x —3(m + l)x2 + 3m(m + 2)x nghich bién trén doan [0;1] ?
A. -1<m<0. B. -1<m<0. C.m=>-1. D. m<0.

Loi giai
Chon A

Cach 1:
Xét ham sb: y =x° —3(m+1)x2+3m(m+2)x.

Taco: y'=3x"—6(m+1)x+3m(m+2).

X=m
y'=0& (m<m+2,‘v’m).
X=m+
Bang bién thién.
x —m m m+2 4+

+ 0 — 0 +

Theo Béng bién thién, ham s6 nghich bién trén doan [0;1] khi va chi khi y'<0,Vx [0;1].
{mSO {mSO
= = & -1<m<0.
m+22>1 m2>-1
Cach 2:
Dao ham ' =3x? —6(m+1)x+3m(m+2) =3.[x2 —2(m+1)x+m(m+2)].

Taco A'=(m+1) —m(m+2)=1>0, VmeR.

Do d6 y"=0 ludn c6 hai nghiém phan biét x=m, x=m+2.

Bang bién thién
x| —mo B w2 +co
y' + 0 _ 0 +

I

Dua vao bang bién thién, dé ham sb nghich bién trén [0;1](—)[0;1] c [m;m + 2]

m<0
& < -1<m<0.
m+22>1
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Cau25: Tim tap hop S tit ca cac gid tri cia tham s6 thuc mdé ham sb
y =§x3 —(m+1)x> +(m’ +2m) x -3 nghich bién trén khoang (~11).
A. S =[-1;0] B.S=0. C.5={-1}. D. 5 =[0;1].
Loi giai
Chon C
Taco y' =x"=2(m+1)x+(m’ +2m)

Xét y'=0 <:>x2—2(m+1)x+(m2+2m)=0 Q[x=m+2 Vm
x=m

Ham s6 luon nghich bién trong khoang (m;m+2) Vm
D¢ ham s6 nghich bién trén khoang (-1;1) thi (~=L1) < (m;m+2).

m<—1
Nghiala: m<-1<1<m+2 < -1<1 om=-1.
1<m+2

A 3 A 5 s s 7 . 5 A \ A 1 1 .
Cau 26: Tim tat ca cac gia tri thuc ctia tham sO m sao cho hamso y = §x3 —mez +2mx —3m + 4 nghich

bién trén mot doan co do dai 1a 3?2
A. m=—1m=9. B. m=-1. C.m=9. D.m=1m=-9.

Loi giai
Tap xac dinh: D=R . Taco y' =x> —mx+2m
Ta khong xét truong hop ' <0,VxeR vi a=1>0
Ham sb nghich bién trén mot doan c6 do daila 3 < ¥ =0 c6 2 nghiém x,,x, thoa

A>0sm’—8m>0 m>8 haym<0 [m=-1
, ) & =S
(xl—xz) =9 5 -4P=9

|xl—x2|=3©{

m*—8m=9 m=9

Cau 27: Tim tham sé m dé ham s6 y=x"+3mx” +3(m+1)x+2 nghich bién trén mot doan c6 do dai

16n hon 4.
1-+/21 1-+21, 1++/21
A. m< m< hoac m >
2 B 2 2
1++/21 1-v21 1++/21
C. m> D. <m<
2 2 2
Loi giai
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 28:

Cau 29:

Taco D=R, ' =3x" +6mx+3(m+1)=3(x2+2mx+m+1)

Yy =0 x* +2mx+m+1=0 (1). Diéu kién cén va du dé ham s6 nghich bién trén mot doan cé
d6 dai 16n hon 4 < y'<0trén doan c6 do dai 16n hon 4 < (1) ¢6 hai nghiém x,;x, (x, #x,)
thoa man |x1 —x2| >4

A'>0 A'>0
=S o _ SAN>sdom’-—m-1>4
b —x,[>4 7 |[2Va]> 4

l—\/ﬁ 1+x/ﬂ
vim>

2 2

esm-m-5>0m<

Vay ham s6 (1) nghich bién trén mot doan c6 d6 dai 16n hon 4

1-421 1+4/21
m< 2 vm> 2

Tim tat ca cac gia tri thuc cta tham sO m déhamsd y=x" +3x" +mx+m giam trén doan c6 do dai
16n nhét bang 2.
A. m=0. B. m<3. C. m=2. D. m>3.

Loi giai

Tinh y'=3x"+6x" +m.

Ta nhd cong thire tinh nhanh "Néu ham béc ba (a>0) nghich bién trén doan c6 do dai bang o
thi phuong trinh dao ham c6 hai nghiém va tri tuy¢t ddi hiéu hai nghiém bfmg a'

Véi a 1a mot s6 xac dinh thi m ciing 1a mot s6 xac dinh chtr khong thé 1a khoang — Pap

s6 phai 1a A hoic C.

Thir v6i m =0 phuong trinh dao ham 3x” +6x =0 c6 hai nghiém phan biét { 0 va khoang
X =

cach gitra ching bang 2.

[AMSTERDAM-LAN-1-19-20] Tap tit ci cac gia tri cia tham s mdé ham sb
y=(m-1)x’ —6mx* —6x+5nghich bién trén R la doan [a;b]. Khi d6 a+b bing

A.l. B.—l. C.l. D.2.

= 2 2
Loi giai
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Cau 30:

Cau 31:

+Néu m =1, ham s6 di cho trd thanh y =—6x" —6x+5 13 ham s6 bac hai nén khong nghich bién
trén R.

+Néum=#1,c6 y' =3(m—1)x* —12mx—6. D¢ ham s luén nghich bién trén R thi

y'SO,‘v’xe]R<:>(m—1)x2 —4dmx-2<0,VxeR

m—1<0 m<l 1
&9, 5 & 1 -1<m<—.
AN =4m +2(m—1)£0 —ISmSE 2
a=-1 |
Vay 1:>a+b=—5.
2

[THPT Pang Thuc Hwa-2017] Tim tat ca cac gia tri thyc cua tham s6 m sao cho ham s
y=mx’ +mx’ +(m—2)x+2 nghich bién trén khoang (—o0;+ ).
Mot hoc sinh da gidi nhw sau.
Bude 1. Taco y' =3mx* +2mx+(m—2).
Bude 2. Yéu cau bai toan tuong duong véi ¥ <0,Vx e R < 3mx” + 2mx+(m—2)<0,VxeR..
m<0

A =6m-2m*<0
S lm=23eom<0..

Budc 3. y'<0,VxeR <
a=3m<0

m<0

Vay m < 0théa man yéu cau bai toan.

Loi giai ciia hoc sinh trén 1a diing hay sai? Néu 10i giai 14 sai thi sai tir budc nao?
A. Ding. B. Sai tur budce 2.

C. Sai ¢ budc 3. D. Sai tir bude 1.

Loi gidi
Chon B

Bai giai sai & budc 2 vi chua xét truong hop m =0 < 3’ =—2 <0 Vx € R nén ham s6 nghich

bién trén (—o0;+00).

Tt ca cac gia tri thuc ciia tham sé m sao cho ham sé y =—x" +(2m—3)x* +m nghich bién trén
khoang (1;2) 1a (—oo;ﬁ} , trong d6 phan s6 LS gian va ¢ >0. Hoi tong p+gq 1a?
q q

A.S. B.9. C.7. D. 3.
Loi giai

Tap xac dinh D=R. Taco y =—4x’ +2(2m—3)x.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT38:Bai toan Xét don diéu ciia ham da thirc.

Cau 32:

Ham sb nghich bién trén (1;2) < ' <0,Vx e (1;2) < m < x° +% =g(x),Vxe(1;2).

Lap bang bién thién cua g(x)trén (1;2). g'(x)=2x=0<=x=0

Bang bién thién

5 2
gE/'

Dua vao bang bién thién, két luan: m < min g(x) < m < % .Vay p+q=5+2=7.

Cho ham sé y = (m2 —2m)x4 +(4m —mz))c2 —4. Hoi c6 bao nhiéu gia tri nguyén cua tham sb
m dé ham s6 dong bién trén khodng (0;+).
A.0. B. Vo sb. C.2. D. 3.
Loi giai
Ta xét hai truong hop:

m=0——>y=—4(loai)

o H¢ sb a=m2—2m=0<—{ . Ham sb y=4x>—4 c6 d6 thi la mot

m=2——>y=4x"—4

parabol nghich bién trén khoang (—o0;0), dong bién trén khoang (0;+c0). Do d6 m=2 théa

man. (Hoc sinh rit mic phai sai 1am 1a khong xét truong hop a=0)

e Hé s6 a=m”>—2m#=0. Dya vao dang diéu dic trung ctia ham tring phuong thi yéu cau bai

ab>0 {a >0
—>

b>0

toan tuong duong véi dd thi tham s6 c6 mot cuc tri va do 1a cuc tiéu <—>{ 0
a>

m* —2m>0 m<0vm>2 el
“—> = S2<m<4—"2sm={3;4}.
dm-m* >0 0<m<4

Vay m={2;3;4}.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT39:Bai toan Tham sd xét tinh Pon diéu H phin thirc.

BAI 39: BAI TOAN THAM SO XET TiNH PON PIEU

HAM PHAN THUTC.

A.LY THUYET:
Bai toan 1:

X £ F ORIy ax+b
Tim tham s6 m dé ham s6 nhat bién y =

— Budc 1. Tap xac dinh: D=R\ {—i} Tinh dao ham y' =

C

don diéu trén tap xac dinh cia no.
cx +

Phwong phap:

ad—-b.c _
(cx+d)*

— Bude 2. Ghi diéu kién dé ham don diéu. Ching han:
DPé f(x) dong biéntréen D=>1'>0, Vxe D < ad—-bc>0=>m ?

Dé f(x) nghich bién trén D= y' <0, Vxe D <> ad —bc<0=m ?

Bai toan 2:

\ A 2 1.3 A £, 1.0 A ax+b
Tim tham s6 m dé ham so nhat bién y =

C

— Tim tap xac dinh: D =R\ {—i} vatinh y'=

— Ham s dong bién trén (x5 +0) < {

— Ham s nghich bién trén (x5 +0) & {

N A d
— Ham s0 tang trén (a;,B) ={x#E——
c

xe(a;p)

!

y'<0

A e d
— Ham s0 giam trén (a;ﬂ) = qx#E——
¢

x € (a; )

dong bien trén mién cho trude.

cx +
Phwong phap:
ad —cb
(cx+d)’
..................... >0
, trén (—o0; X)) <:>{
........ <X, e 2 X
.......................... <0
, trén (—o0; ;) @{
.......... <X, e 2 X
ad—cb>0
................ >0 _=
<:>{ c sa = m.
................ z(a; p) J
-Z>p
L ¢
ad—cb<0
................ <0 _=L
<:>{ c sa =>m
................ z(a; p) y
-Z>5
¢
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

*) Luu y:
Khi dit 4n phu can xét tinh don diéu cua an dit trén khoang dang xét.

, R £ mcosx+1 \ F - £ 21 s A 2A A .
Vidu: Cho ham s6 y =———,m la tham s0. Tim tham s6 m dé ham so dong bién trén khoang

55)

bat t =cosx, vol x e ﬁ;f =te O;l .
3°2 2

COSXx—m

Do ham sb y=cosx trén khoang (%,%j TARAM SO oo ,

. . -1
khi d6 bai toan tré thanh tim m dé hamso y= f (t) e trén khoang [O; %)
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT39:Bai toan Tham sd xét tinh Pon diéu H phin thirc.

B. Vi DU MINH HOA

Caul:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Cau7:

Cau 8:

Cau9:

Cau 10:

\ A TR I A X 1 A mx A -X A
Tim tap hop tat ca cac gia tri cia tham so thuc m d¢ ham s6 y = dong bién trén tung

khoang xac dinh.

A (—V636]. B. [-6;6]. C. [/6:V6). D. (—V/6;/6).

Tim m dé hamsd y = L_:; nghich bién trén cac khoang xac dinh ctia no.
X+m-—
A. m>2 hoac m<1. B.l<m<2.
C.1<m<2. D. m>2 hoiac m<1.
. 2x* —3x+
Cho ham s6 y:f(x)=x—’;’"

Tim tat ca cac gia tri cia m dé ham so dong bién trén moi khoang xac dinh.

A.m>-2. B. m>-2. C.m<-=-2. D.m<-2.

e, 21 % mx+4 . Lk n \
Gi4 tri ciam dé ham s y = nghich bién trén (—oo; 1) 1a.

x+m
A, 2<m<-1. B. 2<m<2. C.2<m<2. D. -2<m<l1.
AL e I \ £ mx—6m+5 . A
Tim tit ca cac gia tri cia tham s6 m sao cho ham s§ y =—————— ddng bién trén (3;+) .
xX—m
A. 1<m<3, B.1<m<3. C.l<m<5. D.1<m<5.
Tép tat ca cac gia tri cua tham s6 p dé ham sb |:% nghich bién trén ting khoang xac
o —
dinh la khoang (d). Tinh s =e—ad.
A. s=-s61 B. s=-51 C.s=-41 D.s=41

K, 3 sy o , J X1 ,( mx . <A A .
Tim tat ca gia tri thyc cia tham s6 m dé ham s6 y = nghich bién trén khoang (—3;1) .

A. me(1;2). B. me[1;2). C. me[L;2]. D. me(1;2].
Tim tit ca cac gia trj thyc ciia p dé hamsd | = V]?q{% nghich bién trén khoang gm] .
Vo { —
A.p>-4. B.p>-4. C.p<—4. D.p <-4.
. Ay o g e , A Z 15 A cosx—2 - -4 A )
Tim tat ca cac gia tri thuc cia tham so m dé ham s0 y = nghich bién trén khoang
cosx—m
o)
2
A.m>2. B. m<0 hodc 1<m<2.
C. m<2, D. m<0.
Tim tat ca gia tri thuc cua tham s6 m dé ham sd y= uzosx nghich bién trén khoang (%,%j
sin” x
5
A. m<0. B. m<2. C.m=>1. D.mSZ.
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

C. BAI TAP TREN LOP

dong bién trén timg khoang xac dinh cua ching.

A s 21 s 4 X
Caul: Tim m déhamso y=

A.m>1. B. m>-1. C.m>1. D.m>-1.

2
A \ Ay o g g A, e 21 3 A mx
Cau2: Tim tat ca cac gia tri nguyén cua tham s6 m dé ham sd y =

ddng bién trén ting khoang

xac dinh.
A.m=1lm=2m=3 B.m=0m=-1,m=-2
C.m=-1m=0,m=1 D.m=0m=1,m=2
\ . . +1)x+2m+2 .
Cau3: Tim didu kién ciia m dé ham sé y = (m+1)x+ 2m nghich bién trén khoang (~1;+<0).
xX+m
A. m<1hoic m>2. B.m=>1. C.-l<m<2. D.1<m<?2.
2x—m

Cau 4: Tim tit ca cac gid tri thyc ciia tham s6 m dé hamsd y= dong bién trén khoang xac dinh

cua no.
A. me(1;2). B. me[2;+ ). C. me(2;+0). D. me(-»;2).
" s Ar o o , £ LA R £ mx+6 . . X
Cau 5: Tim tat ca cac gia tri thyc cua tham s6 m dé trén (—1;1) ham so y = nghich bién:
2x+m+1
—4<m<-3 —4<m<-3
A, —4<m<3. B. . C.1<m<4. D. .
l<m<3 1<m<3
A ;A 2 A e ~ ) e J4 x+m 5 A A , ,
Cau 6: Co tat ca bao nhiéu gia tri nguyén cua m dé hamso y = 2 dong bién trén tung khoang xac
mx +
dinh?
A. 2. B. 4. C.3. D.5.

A A . iAo A A 213 J4 X A -4 A 5
Cau7: Ton tai bao nhi€u so nguyén m d€ hamso y = dong bien trén khoang (—oo;—l) .

A.3. B. 4. C.2. D. V6 sb.
A \ 2 1.3 £ 2x-1 5 X R
Cau8: Tim m déhamso y= dong bién trén (0;+00).
1 1 1
A m<—. B. m<0. C.m<—. D.0<m<—.
2 2 2
+2

A N ) mx \ ) . s A Ay 0 g e A,
Cau9: Chohamso y= , m la tham so thuc. Goi S 1a tap hop tat ca cac gia tri nguyén cta tham

2x+m

s& m dé ham sb nghich bién trén khoang (0;1) . Tim s6 phan tir cia S .
A. 1. B. 5. C.2. D. 3.

(m+1)x+4m+10 . R , .
nghich bién trén khoang (—oo; —2) la:

Cau 10: SO cac gia tri m nguyén dé ham sb y =
x+m
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

A. 4. B. 6. C.3. D. 5.

Y A S , £ \ £ mx +4 . A .
Tim tat ca cac gia tri thuc ciia tham s6 m sao cho ham s6 y = nghich bién trén khoang

x+m
(—oo;l)?
A. -2<m<-1. B. 2<m<-1. C. 2<m<2. D. 2<m<2.

2
LAy a A e A £ 21 s £ m”~+3m 5 A A
Co tat ca bao nhi€u gia tri nguyén cuia tham s6 m d¢ ham s0 y =3x +—1 dong bién trén
X+

tung khoang xac dinh cua no?

A. 4. B. 2. C. 1. D. 3.
Y VST , £ X1 £ sinx-3 _, A A , T
Tim tat ca cac gia tri thuc cua tham s6 m dé ham s0 y =——— dong bién trén khoang (Og—j
sinx—m 4
A.mSOhOéchm<3. B. m<3.
C.mSOhoéchmS& D. 0<m<3.

4 A g Al 21 s £ xX+tm A A , ,
Co¢ tat ca bao nhiéu gia tri nguyén ciia m dé hamso y = 2 dong bién trén tung khodng xac
mx +
dinh?
A. 2. B. 4. C. 3. D.5.
s I TR, , A R A tanx—-2 _, .4 A )
Tim tat ca cac gia tri thuc ciia tham sO m sao cho ham so y = PRm— dong bién trén khoang
anx—m
4
m<—1
A.-1<m<2. B. m<2. C.m=>2. D. .
0<m<?2
\ Ay o e 5 X 21 X wg {—5 ) £ A ) 7T
Tim tat ca cac gia tri thuc cua tham s6 p dé ham s6 | =————— dong bicn trén khoang | 3>—
wg {—p +4 7
A. p €[4-t00). B. p €(6>+00).
C.pe[5%). D. p €(—00x4]U[5%6)1

mx+1
N A 5 ’ (e C) A1 A . < A A 1
Tim tat ca cac gia tri cia m d€ ham s0 y =2**" nghich bién trén (5, +00 |.

A. me(—l;l). B. me(l;lj. C.me l;l . D.me —l;l).
2 2 2
Tim tat ca cac gia tri thuc ctia tham sb m dé hamsd y =w ddng bién trén khoang (% ,%)
sin” x
5
A. m<0. B. m<2. C.m=>1. D.mSZ.
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

. . . 1 \ .
Ciau 19: C6 bao nhiéu gia tri nguyén am cia tham s6 m dé ham s y=x"+ m)c—s—5 dong bien trén
X
khoang (0;+00)?
A. 12A. B. 3. C.0. D. 4.
A 4 [N e : A 5 A A \ A 3 4 2 1 A
Cau 20: Co6 bao nhiéu gia tri nguyén duong cua tham s6 m dé hamso y = Zx —(m —l)x —— dong

bién trén khoang (0;+0).
A. 1. B. 2. C. 3. D. 4.

D. BAI TAP REN LUYEN

A s Ay o x cro , X 21y A mx
Caul: Tim tat cd cac gia tri thuc cua tham s6 m dé ham so0 y =

()

A.m>2. B. 2<m<?2. C. 2<m<2. D.1<m<2.

-1 nghich bién trén khoang
X

Cau2: Co6 bao nhiéu gia tri nguyén cua tham s6 m dé ham s6 y =

3m nghich bién trén khoang

(6;+oo).
A.3. B.0. C. V6 so. D.6

‘n cr g A , ) X 1 ) x+2 A -4 A )
Cau3: (o6 bao nhiéu gia tri nguyén cua tham soO m dé ham s6 y= dong bién trén khoang

x+3m
(—oo;—6).

A 2. B. 6. C. V6 s6. D. 1.
A \ £ ~ ) £ \ £ (m+3)x_2 ~ . X n , ,
Cau4: Tim sO nguyén m nhd nhat sao cho ham s0 y =———— lu6n nghich bién trén cac khoang
xX+m
xac dinh ctia n6?
A.m=-1. B. m=-2. C.m=0. D. Khong co6 m .
A Ao o2 g e, , L £ mx+3m—4 A A . \
Cau 5: Tatca cac gia tri thuc cia m dé ham s6 y = ———— dong bién trén khoang (—1;2) la:
xX—m
A. —4<m<—1. B. -4<m<l1.
C. m<-1 hoac m > 2. D. m <-4 hoac m>2.
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2
A N X X—
Cau 6: Hamso y=

dong bién trén cdc khoang (—w0;4) va (4;+00) khi:

m<-2 m< -2
A. B.
m>2 m=2
C. 2<m<2 D. 2<m<2
. 2 : m’x+5 .
Cau7: Goi S latap hop cac sO nguyén m dé ham so y = 5 | nghich bién trén khoang (3;+oo) .
mx +
Tinh téng T cua cac phan i trong S.
A. T =35. B. T =40. C. T =45. D. T =50.
. 2x° -2 : : :
Cau8: Chohamso y= f(x)= al +3x;m . Tim m dé ham so ¢6 2 cyec tri.
X+
A. m>0. B. m>-1. C. m<O. D. m<2.

2x° +(1-m)x+1+m

Cau 9: Hoi co bao nhiéu gid tri nguyén duong cuia tham s6 m sao cho hamso y =

xX—m

dong bién trén khoang (1;+00)?

A. 3. B. 1. C.2. D. 0.

n \ Je x> +m A X . Lo, .
Cau 10: Hamso y=—; 1 dong bién trén R khi gia tri cia m la:
X+
A.m=1. B. m>1. C. m<l1. D. me@.
A s 218 A mx—16 - LA A . \
Cau 11: Giatricua m dé hamso y = nghich bién trén khoang (—1;5) la:
m<—4 m<—4 m< -1
A. . B. . C. . D. 4<m<5.
m=5 m>4 m>4
. 201 201 .
Cau 12: Chohamso y= ot 2015m+2016 v6i m 1a tham so thuc. Goi S 1a tap hop céc gia tri nguyén
—-X—m
ciia m dé ham s6 dong bién trén ting khoang xac dinh. Tinh s6 phan tir ciia S .
A. 2017. B. 2015. C. 2018. D. 2016.
: . 2cotx+1 _, .
Cau 13: Tim m dé hamso y kit dong bien trén khoang E;£ ?
cotx+m 4 2
A. me(—0;-2). B. me(—oo;—l]u{o;%].
1
C. me(—2;+oo). D. me(§;+ooJ.
. 2 - N X L . .
Cau 14: Ham sb y="2BY"M 48ne bién trén khoang [;;;3—”J thi didu kién diy du caa tham s m
4cosx+m 2

la:

A. m< -2 hoac m>0. B. m<-2 hoac m>4.

C.-2<m<4. D. 2<m<0.
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Cau 15

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

, ) , . 5 z . Z tanx—2 X e ~ ,
Tim tat ca cac gia tri thuc cua tham s6 m sao cho ham s6 y=t— dong bién trén khoang
anx—m
V4
[05)-
A.1<m<2. B. m<0;1<m<2. C.mz2. D. m<0.

2
. B x°—4x
Hamso y =
x+m

A . me (—%;2}\{—1} . Bome(-L2]\{-1}. C.m e(—l;%} : D. m e(—l;ﬂ.

dong bién trén [1;+00) thi gid tri cua m la:

Tim tit ca cac gia tri thuc cia tham s6 m dé ham sé y = ol 42_ n ddng bién trén khoang (O; +oo)
x +1

A. m<0. B. m<1. C.m<—1. D.m<2.

. —1)vJx—-1+2 ; . . - .
Cho hamso y = (m ) ad . Tim tap tat ca cac gia tri cua tham s6 m dé ham s6 dong bién
Jx—1+m

trén khoang (17;37).

A. me[—4;-1). B. m & (—o0;—6]U[-4;—1)U(2;+0).

C. me(—0;—4]U(2;+). D. me(-1;2).

, 3 —_
Cho ham sb y=(\/x2 1 —x) —m(2x2 PN +1+1)—’"—6—1. C6 bao nhiéu gia tri

VXt +1+x

nguyén dwong cta tham sé m dé ham sb nghich bién trén R.
A.s. B. V0 sb. C.2. D. 3.
(Zm2 - 1) tan x

tan® x +tan x + 1

Ay o e, 21 s A - . A ) T \
Tat cé céc gia tri cia m d€ ham so y = nghich bién trén khoang (O;ZJ la:

-1 1 -1 1
A. —<m<—. B. m <— hoac m>—.

NG 2 N 2
c. Lo L D.O<m<—L.

2o 2 V2
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BAI 39: BAI TOAN THAM SO XET TiNH PON PIEU

HAM PHAN THUC.
A.LY THUYET:
Bai toan 1:
\ £ X1 L4 ALk ax+b A A L4 ) .

Tim tham s6 m d€é ham so nhat bién y = don diéu trén tap xac dinh ctia no.
cx+
Phwong phap:

— Budc 1. Tap xac dinh: D=R\ 4l Tinh dao ham y' = L—bcz
c (ex+d)

— Budc 2. Ghi diéu kién dé ham don diéu. Chang han:
DPé f(x) dong biéntréen D=y’ >0, Vxe D < ad—bc>0=>m ?
Dé f(x) nghich bién trén D=y’ <0, Vxe D<= ad —bc<0=m ?

Bai toan 2:

\ £ O A 1AL 1A ax+b _, A A ,
Tim tham s0 m dé ham s6 nhat bién y = dong bién trén mién cho trudec.

cx+
Phwong phap:
— Tim tap xac dinh: D =R\ 4 va tinh y'=LCbz-
c (ex+d)
ad —bc >0 ad —bc>0
— Ham s dong bién trén (Xp;+0) =9 4 ,trén (—oo;x,) << 4
—-—<x, ——2X
c c
ad —bc<0 ad —bc <0
— Ham sb nghich bién trén (X3 +t0) =1 d ,trén (—oo;x)) << d
-—<X, -——2X,
c c
, ad—chb>0
y'>0 _
ad—cb>0 -
— Hamsb tang trén (a; f) =>x#-—— <1 s T % =m
c ——¢& (a3 p) J
xe(ap) ‘ ~S>2p
L ¢
’ ad—cb<0
y'<0
ad —cb<0 -
— Hamsb giam trén (a; 8) = {x#=—— <1 4 oY =m
¢ T-Ze@n T ¢
xe(af) ‘ —=2p
c
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

*) Luu y:
Khi d3t an phu cAn xét tinh don diéu cua An dit trén khoang dang xét.

, \ 4 mcosx+1 \ £ £ o £ A A A .
Vidu: Chohamsd0 y=———,m la tham s0. Tim tham s0 m d¢ ham s6 dong bién trén khoang

55)

bat t =cosx, voi x € z;E =te 0;l .
3°2 2

CoSx—m

\ £ ~ , Vv N £ . <X C oA 1Nt s ) \ .
Do ham s0 y =cosx trén khoang (—;—] la ham s6 nghich bién, khi d6 bai toan tré thanh tim

m dé ham s6 y=f(t)=mt

nghich bién trén khoang (O; %) .
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B. Vi DU MINH HOA

Caul:

Cau 2:

Cau 3:

. A Ko 2 g g . J 21 ) mx A -4 AN
Tim tap hop tat ca cac gia tri cua tham s6 thuc m d€ ham s6 y = dong bién trén tung

khoang xéc dinh. :

A. (—\/3;6]. B. [-6;6]. C. [—\/E;\/E). D. (—\/E;\/E).
Loi giai

Chon D.

mx—73 . —m+6

2x—m 4 (2x—m)2 '

Theo yéu cau bai toan: y'>0,Vxe D < —-m* +6>0 < — 6<m<+6.

\ X1 A mx—2 . -4 A s , L o4 , .
Tim m d¢€ ham s0 y =——— nghich bién trén cac khoang xac dinh cua no.

x+m-3
A. m>2 hodac m<1. B.1l<m<2.
C.1<m<2. D. m>2 hoac m<1.
Loi giai

TXD: D=R\ {3—mj.

,:m2—3m+2
(x+m—3)2 ‘

YCBT & y'<0,Vxe Do m’ -3m+2<01<m<2.

2x° =3x+m
-2
Tim tat ca cac gia tri cia m dé ham so dong bién trén moi khoang xac dinh.

Cho ham sd y:f(x):

A.m>-2. B.m>-2. C.m<=-2. D.m<-2.
Loi giai

2
TXD D=R\{2}. f'(x)= 22 —8x*+6-m

(v-2)

Ham sé f (x) dong bién trén cac khoang xac dinh.

<::>f’(x)ZO(‘v’xeD)<:>2x2—8x+6—m20(‘v’xeD)<:>2(x—2)2 >m+2(VxeD).

Suyra m+2<0&<m<-2.
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Cau 4:

e 2. % mx+4
Gia tri cta m dé ham s y =
X+m

A. 2<m<-1. B. 2<m<?2. C. 2<m<2. D. 2<m<l1.
Loi giai

nghich bién trén (—o0; 1) 1a.

, m’—4
V= =, (x;t—m)
(x+m)

\ £ . L ~ ’ m2—4<0

Ham s6 nghich bién trén (—oo; 1) < Y'<0, ‘v’e(—oo; 1) & . & -2<m<-1.
<-m

Y VPN TR £ \ £ mx—6m+5 A A

Tim tat ca cac gia tri cua tham sO m sao cho ham s0 y = ———— dong bién trén (3;+oo).
xX—m

A. 1<m<3. B.1<m<3. C.l<m<3. D. 1<m<3.

Loi giai
Chon A.
Tap xac dinh D = ]R\{m} )
' -m>+6m-5
(x=m)’

C . >0 —m* +6m—5>0
Ham so dong bién trén (3;+o0) <:>{ 4 <:>{ e :

m & (3;+0) m<3
l<m<5
< 1l<m<3
m<3
Tap tat ca cac gia tri ciia tham sé m dé ham s y = L_?j nghich bién trén timg khoang xac
X+m-—
dinh 1a khoang (a;b). Tinh P=b—a.
A. P=-3. B. P=-2. C. P=-1. D. P=1
Loi giai

2_
TXD: D=R\{3-m}.DPaoham y' = M*2
(x+m—3)
Yéu cau bai toan
&Y' <0,Vx#3-m o m*-3m+2<0

el<m<2 ©ome(l;2)=(a;b) & P=b-a=1.
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Cau7:

\ L, 0 eg s , z U z mx
Tim tat ca gia tri thuc ciia tham s6 m dé hamso y =

A. me(l;2). B. me[l;2). C. me[l;Z]. D. me(l;2].

Loi giai

nghich bién trén khoang (-3;1).

Chen B.
Mién xac dinh: D =R\{m}, y'=—.

2<m<?2

m*—4<0
m<-3 <l<m<2.

Ham s6 nghich bién trén (-3;1) khi {m ¢(-31) = { -
mZz

Vay me[1;2).

Tim tat ca cac gia tri thuc ciia m dé ham sd | :‘ﬂz{% nghich bién trén khoang gwr] .
vig { —
A.p>—4. B.p>-4. C.p<—4. D.p <-4.
Loi giai

bat w=vlg{, véi {€ %ﬁr]—>w€(3:4).

Ham s6 trd thanh |(@:W+_i_> | {u) = (—4—; '
w— w—4

™

Taco w=frv{<3/#/{c [ -7 do d6 w=vig { nghich bién trén

m
— T
5

Do d6 YCBT «—— |(w dong bién trén khoang (34) «—— | w)> 3/Vwe (34)

—4—p >3
@{ P /VWE (34) & —4—p >3&p <—4.
w—4=3
X Ky o g g § £ 2 1 s £ cosx—2 . 4 N .
Tim tat ca cac gia tri thyc cua tham s6 m dé ham s0 y =———— nghich bién trén khoang
cosx—m
T
0;—|.
2
A.m>2. B. m<0 hoic 1<m<2.
C.m<2, D. m<0.
Loi giai

Tacé y = —smx(cosx—m)+s1nx(cosx—2) _ smx(m—z)

COSXxX—m ’ COSXxX—m 2
( ) ( )

Ham s6 nghich bién trén

T , T m—-2<0 m<?2 m<0
0;— |y <0,Vxe| 0;— | = = =
2 2 COS X # m me(0;1) |1<m<2
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

Cau 10: Tim tit ca gia tri thyc cia tham sb m dé ham sd y= uzosx nghich bién trén khoang (E;zj
sin” x
5
A. m<0. B. m<2. C.m>1. D.mSZ.
Loi giai

Datt =cosx;x € Z;z =te 0;l .
3°2 2

Ta co:
plttm —t* +2mt -1
1-¢ (—t2+1) '

Ham sb nghich bién trén(O;%j < V' <0Vte [O;%J

—2 +2mt—1

(—t2 +1)

SOVte(O; ) <:>t2—2mt+120Vte(0;%j

N | =

< m<ming(¢) :>m£é
o) =m
2
: £ +1
Vo =
i g (1) 5
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT39:Bai toan Tham sd xét tinh Pon diéu H phin thirc.

C.BAI TAP TREN LOP

Caul:

Cau 2:

Cau 3:

Cau 4:

. X1 A X=m . <K A ) ;4 , ,
Tim m dé hamso y = dong bién trén tirng khoang xac dinh cua chung.

A.m>1. B. m>-1. C.m>1. D.m>-1.
Loi giai

Tap xac dinh: D = R\{—l} .

1
y'= +m2 >0 m>-—1.
(x+1)
. . , . mx—4 .
Tim tat ca cac gia tri nguyén cua tham so m dé ham so y = dong bién trén tiing khoang
xac dinh.
A.-m=1lm=2m=3 B.m=0m=-1,m=-2
C.m=-1lm=0,m=1 D.m=0m=1,m=2
Loi giai
2
y'= n +:1>0<:>—2<m<2
(x=1)
Vay m=-1,m=0,m=1
. S .o . (m+l)x+2m+2 . A .
Tim di€u kién cia m dé ham s6 y = nghich bién trén khoang (—1; +oo) .
xX+m
A. m<1 hoic m>2. B.m>1. C.-l<m<2. D.1<m<?2.
Loi giai

Tap xac dinh: D=R \{—m}

m —m—2
(x—m)’

biéu kién dé ham s6 nghich bién trén (—1;+ oo) <y >0Vxe (—1;+ oo)

Taco: y' =

S1<m<?2.

m —m—-2<0 -1l<m<?2
= =
-m<-1 m=>1

d6ng bién trén khoang xac dinh

Tim tat ca cac gia tri thyc ciia tham s6 m dé hamso y =

cua no.
A. me(1;2). B. me[2;+x). C. me(2+o). D. me(—x0;2).
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

Loi giai
TXD: D=R\{1}
Ta cod y'=m;22. Pé ham sé dong bién trén khoang xac dinh ctia n6 thi
x—1
, m—2
V>0 >>0VxeD < m>2 suyra me(2+®).
x—1
A Y TS , £ XA \ £ mx +6 . Yy
Cau 5: Tim tat ca céc gia tri thuc ciia tham so m dé trén (—l;l) hamsd y = nghich bién:
2x+m+1
—-4<m<-3 —4<m<-3
A. -4<m<3. B. . C.1<m<4. D. .
l<m<3 1<m<3
Loi giai

<A N , . -m—1
biéu kién xac dinh: x # .

m*+m—12

Tacd ) =————.
4 (2x+m+1)2

D¢ ham sé nghich bién trén khoang (-1;1) diéu kién la:

-m—1

z(-1; 1) m +m-12<0 [me(-43) [-4<m<-3
< = <~
) —m—1¢(-2;2) me(-3;1) 1<m<3

y'<0, Vxe(-1; 1

A ¢ Ay 2 A A 2 1.3 A xXtm A A s . ,
Cau 6: Co tat ca bao nhiéu gid tri nguyén cua m dé hamso y = dong bién trén tiing khoang xac

mx+4
dinh?
A. 2. B. 4. C. 3. D. 5.
Loi giai

*Néum=0,tacod y:% dong bién trén R (thoa).
*Néum=0:
e
Tap xac dinh DzR\{—i}; y’=4—mz.
m (mx+4)

2<m<2

v A A A A , . |4-m*>0 m#=0
Ham so dong bién trén ting khoang xéac dinh khi 0 =
m#

Vay két hop hai truong hop ta c6 3 gia tri nguyén clia m thoa yéu cau bai toan.
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Cau7:

Cau9:

Cau 10:

A . cn X A 215 A X A e A ,
Ton tai bao nhiéu s6 nguyén m dé hamso y = dong bién trén khoang (—oo;—l) .

A. 3. B. 4. C.2. D. V6 sb.
Loi giai
. x—2 , —m+2
Taco: y=——=y' =——.
X—m (x—m)

m>—1

. L » -m+2>0 m<?2
Dé ham s6 dong bién trén khoang (—w0;—1) < , ©
m>—

e 2 . -2 s
Vay c6 2 gi4 tri nguyén ctia m dé hamso y = e dong bién trén khoang (—o0;—1).
x—m

Tim m déhamsd y= ddng bién trén (0;+0).
x—m

A.m<l. B. m<0. C.mﬁl. D.OSm<l.
2 2 2
Loi giai

Chon B.
,  —2m+1

Tap xac dinh DzR\{m};y—( )2.
xX—m

Ham da cho dong bién trén (0;+0) khi 2 &om<0.

{—2m+1>0 m<l
=
m<0

m e (0;+o0)

. 2
Chohamso y = et

2 , m 1a tham s6 thuc. Goi S 1a tap hop tat ca cac gid tri nguyén ctia tham
xX+m

s6 m dé ham s6 nghich bién trén khoang (O; 1) . Tim s6 phan tir caa S .
Al 1. B. 5. C.2. D. 3.

Loi giai
Al m
Tap xac dinh D:R\{_E}
;L m* —4
(2x+m)2'
2<m<2
mr—4<0 “m —2<m<?2
Yéu cau bai toan <>< _, (1) TSO = [mZO S0<m<2.
— (U,
2 ™M m< =2
. o B (m+1)x+4m+10 . R , .
SO cac gia tri m nguyén dé ham so y = nghich bién trén khoang (—oo;—2) la:
xX+m
A. 4. B. 6. C.3. D. 5.
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Cau 11:

Cau 12:

Loi giai
Chon A.
2
Tap xac dinh: D = R\{—m} va y' :w
(x+m)

, , '<0,Vx e (—o0; -2 2 3m-10<0
Ham s6 nghich bién trén khoang (—o0;-2) thi {y ( ) o {m "

-m=-2 m<2

& —2<m<2.Viycb 4giatri mnguyén thoa man yéu cau bai toan.

nghich bién trén khoang

\ J4 ., S, , Z . P mx—+4
Tim tat ca cac gia tri thuc ctia tham s6 m sao cho ham s6 y =

x+m
(—o031)?
A, 2<m<-1. B. 2<m<-1. C. 2<m<2. D. 2<m<?2.
Loi gidi
Tap xac dinh D:R\{—m}.
2_
Ta co y’:m—42.
(x+m)
\ A . A A . ' m'—4<0

Ham s6 nghich bién trén khodng (—o0;1) < y'<0, Vx e(-0;1) < < & -2<m<—1
<-m
m’+3

£ Ap oz N coo A , X 2 1a A m .\ < X ~
C6 tat ca bao nhiéu gia tri nguyén cua tham s6 m dé ham so y = 3x+—1 dong bién trén
X+

tung khoang xac dinh cua n6?
A. 4. B. 2. C. 1. D. 3.
Loi giai

TXD: D=R\{-1}

m* +3m _ 3x2 +6x+3—-m>-3m
(x+1)2 (x+1)2

Tacd y'=3—

Ham s6 dong biét trén timg khoang xac dinh

&Y' 20 Vez—1<3x" +6x+3-m>=3m>0 Vx = -1

A'=9+3(m2+3m)—9so
= < -3<m<0

m*+3m#0

Ma m nguyénnén m e {-2,-1}.
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Cau 13:

Cau 14:

Cau 15:

. . . . s . nx—3 . .
Tim tat ca cac gia tri thuc cua tham s6 m dé ham so y =S.1L dong bién trén khoang (O;EJ
sin x —m 4
N2
A. m<0 hoac7£m<3. B. m<3.
. N2
C. m<0 hoacTSmS& D. 0<m<3.
Loi giai
-3 cosx(sinx—m)—(sinx—3)cos cosx(3—
Taco y=S¥=3 x(sinx—m)—( 2x )cosx _ x( mz).
sinx—m (sinx—m) (sinx—m)

3—-m>0 3>m

N

m <sin 0 m<0 ——<m<3
o = .

NG

. T
m > sin— m>—-—= m<0
4 2

Dé ham s dong bién trén khoang (0;%) =

¢ ke 2 A N PO £ X+m A A s , ,
Co tat ca bao nhiéu gia tri nguyén cia m d€ hamso y = dong bién trén ting khoang xac

mx+4
dinh?
A. 2. B. 4. C. 3. D. 5.
Loi giai

. 1 R s
Truong hop 1: m =0 ta c6 ham so yzzx dong bién trén R.

_ 2
Truong hop 2: m # 0, ham s6 di cho c6 tap xac dinh 1a D = R\{—4} va y' =4—m2
m

21 s P Lk N , , . L ) . 4—m2>0 2<m<?2
Dé ham s6 dong bién trén ting khoang xac dinh khi va chi khi = .

m=#=0 m=#0

Viy tap hop cac s6 nguyén m dé ham sé dong bién trén timg khoang xac dinh 1a {—l; O;l} .

; o , £ N tanx—-2 A ,
Tim tat ca cac gia tri thuc cia tham s6 m sao cho ham s6 y:t— dong bién trén khoang
anx—m
“Z.ol.
4

m<—1

A.-1<m<2. B. m<2. C.m>2. D. .
0<m<?2

Loi giai
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Bétz:tanx,vixe(—f;oj:ze(—l;o).Khidétaco - >0Vxe{0;£}.
4 cos” x 4

2

. . . tanx—2 ., . -2
Do d6 tinh dong bién ctia ham s6 y = anx giong nhu ham so6 f(t)zt—.
tanx—m t—m
. -2
Xétham sé £ (t) = ;—w & (~1;0). Tap xic dinh: D =R\ {m)}
—-m
2-m

Taco f'(t)=

Dé ham sé y dong bién trén khoang (—%;Oj khi va chi khi: /(1) >0Vt e(-1;0)

5 20 m<?2
— —m
2 m2 >0Vie(-1;0) < o [m<-1 o me(-0;—-1]u[0;2)
(t-m) m¢(—1,0)
m=0
A Y TS S VR , £ 212 £ tan x —2 A - £ A ,
Cau 16: Tim tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y =——— dong bién trén khoang .
tanx—m+1
o)
4
A. .me[l;+0) B..me(3;+).
C. me[2;3). D. me(—o0;1]U[2;3)
Loi giai
Dit t=tanx , v6i xe[O;%j:ﬁe(O;l)
Ham s6 tr thanh | (W= ——>——— [f=—02
w—p +4 (w—p +4)
. 4 4l . A . A T
Ta co w*=fn5{>3/#/{€ 3>; ,do do w=wdg { dong bien trén |3 7].

Do d6 YCBT «— |(w dong bién trén khoang (3:4) «—— | {w > 3/Vwe (3)

3-m>0 3-m>0 3—-m>0 m<l1
=3 Ve (01) < Ve (01) < = :
t—-m+1%0 m—1+#t m-1¢(0;1) " [2<m<3

mx+1
A N A 5 ’ .7 . 5 A \ A . A A 1
Cau 17: Tim tat ca cac gia tri cia m dé ham so y =2~ nghich bién trén (E;+ooj.

A. me(—l;l). B. me[%;l). C. me{%;l}. D. me[—%;lj.
Loi giai
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Cau 18:

Ham s y = 2 wm nghich bién trén (%ﬁooj khi va chi khi ham s6 y = mxtl

mx+1

nghich bién trén

xX+m

s X mx+1
Xéthamso y = —_—.
X+m (x+m)

m>—1<0 —1l<m<l1

1 . 2
nghich bién trén [l;+ooj = 1 & 1 & —<m<l.
2 —mSE mZ—E 2

.z mx +
Hamso y=
x+m

m—CoSXx

sin’ x

I S S S S 5 e X 1x e A - X A ) T
Tim tat ca cac gia tri thuc ciia tham s6 m dé hamso y = dong bién trén khoang (;,5)

A. m<0. B. m<2. C.m>1. D.m<—.

Loi giai
Chen B.

, M —COS X
Taco y=———

2

.Dat cosx=1,vi xe E;Z =te 0;l va luu ¥ rang ham s§ y = cos x
I—cos™ x 32 2

nghich bién trén (%%j .

~

m—
1-¢

Ham s6 trd thanh y =

Lo £ m—t . ~ . \
—. Taco,hamso y= " xac dinh trén x va c6 dao ham

_t2

. —t*+2mt -1

(=)

215 ) A 2A LA A T s £, m—t
bé ham so ban dau dong bién trén (?’3) thiham s6 & y =

7 phai nghich bién trén x

= +2mt—-1<0,Vte [O%) < 2m< t+%,Vt € (O%).

Xét f(0)=1+1 6 f(1)=1-k <ovre[ 0]
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2D1-BT39:Bai toan Tham sé xét tinh Pon diéu H phén thic. When the student is ready , the teacher will appear.

X 0 l
2
y' .
+o0
y
\ 5
2

K aia T . 5
Tur bang bien thién ta c6 yéu cau bai toan théa man khi 2m < 5 & m< 1

. . . , 4 2 r 1 1 e
Ciau 19: C6 bao nhiéu gia tri nguyén am cua tham sé6 m dé ham s6 y=x’ +mx—5—5 dong bién trén
X
khoang (0;+00)?
A. 12A. B. 3. C.0. D. 4.
Loi giai
Ham sd xéac dinh va lién tuc trén khoang (0;+0).

1 . .
Tacod y' =3x"+m+—, Vxe(0;+). Him s6 dong bién trén khoang (0;+0) khi va chi khi
x

y' =3x"+m+—20, Vxe(0;+x). Dau dang thic chi xay ra ¢ hitu han di¢m trén (0;+o).
x

< m>-3x" —iszg(x), Vx e(0;+0)
x

08
Ta cod g'()c)=—6x+£7 :ﬂ; g’(x)=0<:>x=1
X X
Béng bién thién
X 0 1 +o0
g'(x) + 0 -

Suyra m>g(x), Vxe(0;+%) < m> max g(x)=g(1)=-4

xe(0:40)

Ma meZ =me{-4-3;-2;-1}.

. L , . , . 3 1 ;
Cau 20: Co6 bao nhiéu gia tri nguyén duong cia tham s6 m dé ham so y :Zx4 —(m —l)x2 e dong
X

bién trén khoang (0;+0).
A. 1. B. 2. C. 3. D. 4.
Loi giai
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1
Taco y'=3x"-2(m—1)x+—.
x
Ham s6 dong bién trong khoang (0;+0) khi va chi khi y'>0 véi Vx e (0;+ ).

y'20c>2(m—l)ﬁ3x2+i6.
X

Xét g(x):3»xz+i6 voi Vx € (0;+00). Ta co g’(x):6x—£7; g'(x)=0ex=1
x x

Béng bién thién:

2(m—1)£g(x)<:>2(m—1)£4<:>m£3.
Vim nguyén duong nén m € {1,2,3}.

Vay c6 3 gia tri m nguyén duong thoa man bai toan.
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

D. BAI TAP REN LUYEN

Caul:

Cau 2:

Cau 3:

\ A, a0 N , ) 2 1 ) mx . <X A )
Tim tat ca cac gia tri thuc cua tham s6 m dé ham s6 y= nghich bién trén khoang

m—4x
=1)
—00; — |.
4

A.m>2. B. 2<m<2. C. 2<m<2. D.1<m<?2.
Loi giai

m’ —4

Tacod y'=——. DPéhamsd y = me nghich bién trén khoang (—oo; lj
(m—4x) m—4x 4
X m’*—4<0
Khidotaco y' >0 50y e me[l;2).
m—4x) ZeE _OO;Z

G A L A 5 X 2 1 x £ X+ ;
C6 bao nhiéu gia tri nguyén ctia tham s6 m d¢ ham s0 y = nghich bién trén khoang
Y 1

+3m
(6;+oo).
A.3. B. 0. C. V6 sd. D.6
Loi giai

Diéu kién xéc dinh: x # —3m.

, 3m-—1

(x+3m)2 '
' 1
, , (6+ ) y'<0 3m—-1<0 m<§

am so ich bién tré j ;+0) & = =

Ham s6 nghich bién trén khoang Sme (6; +OO) 3m<6 0

<:>—2£m<l_
3

Vay c6 3 gia tri nguyén.

, A N £ 2 1a A x+2 £ A .
Co6 bao nhiéu gia tri nguyén cua tham s0 m dé ham so y = dong bien trén khoang

x+3m
(—oo;—6).
A. 2. B. 6. C. Vo sb. D. 1.
Loi giai
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Cau 4:

Cau 5:

Tap xac dinh: D = (—o0;=3m)U(—3m;+o0).

., 3m—2
Taco y'=———
(x+3m)
2
. A 22 e n , 3m—-2>0 m>— 2
Ham s6 dong bien trén khoang (—oo; —6) = = 3 & —<m<2.
-6<-3m
m<2
Ma m nguyén nén m ={1;2}.
. L . +3)x-2 . y ,
Tim s6 nguyén m nhd nhat sao cho ham s6 y = (m+3)x-2 ludn nghich bién trén cac khoang
x+m
xac dinh ctia n6?
A.m=-1. B. m=-2. C.m=0. D. Khoéng co m .
Loi giai
2
m-+3m+2

Tap xéac dinh: D =R\ {—m} .Taco y' = >
(x+m)

Yéu cau dé baie y'<0,Vxe Do m? +3m+2<0& 2<m<—1

Vay khong c6 s6 nguyén m nao thudc khoang (-2;-1).

4 . . 2 14 +3 _4 2 L
TAt ca céc gia tri thuc ciia m dé ham sé y="2""""" 43ng bién trén khoang (-1;2) la:
x—m
A. —-4<m<—1. B. -4<m<1.

C. m<—-1hoac m>2. D.m<—-4 hoac m>2.
Loi giai
<-1
x=me(-1;2) "
YCBT: S m=22 o-4<m<-1

-m’ =3 4>0
" mra= —4<m<]1

2
\ 4 X—=
Hamso y=

dong bién trén cac khoang (—o0;4) va (4;+0) khi:

x—4
m<-=2 m< =2
A. B.
m>2 m=2
C. 2<m<2 D. 2<m<?2
Loi giai
. x—m’ m* —4
Xéthamso y = vOi x e (—o0;4)U(4;+0). Ta co y'=( )2;‘v’x¢4.
X - x—4
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

Cau7:

Cau 8:

Cau 9:

. 24
Yéu ciu bai toan tré thanh y'>0;Vx¢4<:>(m—)2>0<:>m2—4>0<:>
x—4

m>2

m<-2"

2

. Z 4 , +5
Goi S 1a tap hop cac s6 nguyén m de hamso y = mx

nghich bién trén khoang (3;+0).
2mx+1

Tinh tong T cua cac phan tir trong S.
A. T =35. B. T =40. C. T =45. D. T =50.
Loi giai
2 f—
TXD: R \{—l} . Pao ham y = 107
2 (2mx+1)

Ham s6 nghich bién trén khoang (3;+0) < ' < 0,Vx € (3;+)

i_
{ =

& 3<p <43—L2Lp € {4B6Tx<} ——W = 781

|p5—43p<3 p°—43p <3 |p5—43p<3
&

—4 N{>6<:>|_4

“<1-4
—Z (6 —<6
- ¢ (6>+00) .

_ 2x* +3x+m—2
x+2
A. m>0. B. m>-1. C. m<O. D. m<2.

. Tim m dé ham so ¢6 2 cuc tri.

Cho ham s6 y = f(x)

Loi gidi
Chon A.
Téap x4c dinh D=R\{-2}.

., 2X°+8x+8-m
Tacod y'= (x+2)2

Ham s6 ¢6 2 cuc tri <> ' 2 1an doi dau < g(x)=2x" +8x+8—m c6 2 nghiém phén biét khac

{A'=16—2(8—m)>0 {2m>0
-2 & =

&Sm>0.
g(-2)=8-16+8-m=0 [m#0

2x° +(1-m)x+1+m

Héi ¢6 bao nhiéu gia tri nguyén duong ctia tham s6 m sao cho hamso y =
xX—m

ddng bién trén khoang (1;+00)?

A. 3. B. 1. C.2. D. 0.
Loi giai

2x* -4 2 _2m-1

Tap x4c dinh D=R\{m}. Taco y'= a mx+m2 n- g(x)2

(x—m) (x—m)

Ham s6 dong bién trén (1;+00) khi va chi khi g(x)>0,Vx>1 va m<1 (1)

Vi Ag' =2(m +1)2 20,Vm nén (1)< g(x) =0 co6 hai nghiém thoa x, <x, <1
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT39:Bai toan Tham sd xét tinh Pon diéu H phin thirc.

2g(1) =2(m* —6m+1)>0

Diéu kién trong duong I3 { ¢ 1 em<3-242~0,2.
—=m=<
2

Do d6 khong c6 gié tri nguyén duwong ctia m thoa yéu cau bai toan.

2

Cau10: Himsd y= ’; 21’;1 ddng bién trén R khi gid trj cia m 1a:
A.m=1. B. m>1. C. m<l1. D. med.
Loi gidi
Chon D.
Taco y _2x(1—n12)
x2+1)
. x> +1
+) Véi m=1=y" =0, khi d6 ham sb y=x2+1=1:>y’=0 dung voi VxeR, suyra m=1
loai. Ham sb ddng bién trén R khi va chi khi
y'=M>O,VxeR<:>2x(1—m)>0,‘v’xeR.(*)

(x2 +1)
+)Véi m>0=1-m <0, khi do (*) < x<0,Vx € R. (khong ding).
+) Vi m<1=1-m >0, khi d6 (*) < x> 0,Vx e R.(khong dung).

Vay khong c6 gia tri cia m lam cho ham so dong bién trén R

Cau 11: Gia tri cia m dé hamsb y = 16 nghich bién trén khoang (-1;5) la:
m<—4 m<—4 m< -1
A. . B. . C. . D.4<m<5.
mz235 m>4 m>4
Loi gidi

m<-—1
x=m<£(—1;5) m=5 m< —4
YCBT: =
-m*+16<0 m<—-4 |m>5
m>4
mx+2015m+2016

Cau 12: Chohamsd y = v6i m 14 tham s6 thuc. Goi S 14 tap hop cac gia tri nguyén

—-Xx—m

ciia m dé ham s6 dong bién trén ting khoang xac dinh. Tinh sd phan tir cia S .

A. 2017. B. 2015. C. 2018. D. 2016.
Loi giai
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

Cau 13:

Cau 14:

_ 2
Tacs /=" +2015m+2016

(x+m)2

Dé ham s dong bién trén timg khoang xéac dinh thi y' > 0,Vx # —m
& -m’+2015m+2016>0 < -1<m <2016
Ma meZ nén S = {0;1;...;2015} .

Viy sb phan tir cua tap S 1a 2016.

. . 2cotx+1 _, iy
Tim m dé hamso y = ~eotxr ] dong bién trén khoang E;E ?
cotx+m 4 2
A. me(-0;-2). B. me(—oo;—l]u[o;%j.
C. me(=2;+m). D. m e(%ﬁoo)
Loi giai

Chen B.
bit t=cotx, xe[z;z} =1e(0;1).
42

2t+1
t+m

Xéthamsd f(¢)= trén khoang (0;1),¢# —m.

2m—1

Taco f'(1)= (t+m)2 , Vie(051),1#-m.

Khi d6 dé ham sb da cho ddng bién trén khodng (%%j thi f(¢) nghich bién trén khoang

(0:1) (i £/ = ——<0, vXe[%;%) & f'(6)<0, Vi e (0;1),t % —m).
m<— m<l m<—1
o . |2m-1<0 2 2 B
Dicu kagn: {—meE(O;l)c> [—mSOC> [mzo < ()gm<%'
-m=1 m<—1
Ham s yzw dong bién trén khoang (72’;3—7[j thi diéu kién day du cua tham s6 m
4cosx+m 2
la:
A. m<-2 hodc m>0. B. m<-2 hoac m>4.
C. 2<m<4. D. -2<m<0.

Loi giai
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT39:Bai toan Tham sd xét tinh Pon diéu H phin thirc.

Cau 15:

Cau 16:

.E” \ 7 2
bat = cosx%t € (—1;0). Do t =cosx dong bién trén khoang (ﬂ;%ﬂj . (Cé thé

dung ham s6 kiém tra: ¢’ =—sinx > 0,Vx e (7[;377[}. )

Néu yéu cau bai toan sé& giit nguyén dong bién = dong bién hay bai toan duoc phét bicu lai

. - : . 2mt — 3 2
thanh” Tim tat cé cic gi4 tri cua m dé hAmso y = :1 m dong bién trén khoang (-1;0) .
t+m
c 2 A A Ns s P 2m2+4m
Khi d6 yéu cau bai toan twong dwong voi y' = ———>0,Vtr e (-1;0)(*)
(4t+m)
. m__ mz=4
t:——g(—l;o) 4" L Im<=2 m<0 m< =2
(*)= 4 véi hodc 0 = = 4
2m* +4m >0 “2>o e m<=2 Lm=
4 m>0
AL e , X \ 4 tanx—2 . X N .
Tim tat ca céac gia tri thuc ctia tham s6 m sao cho ham so y=t— dong bién trén khoang
anx—m
0;Z ?
4
A.1<m<2, B. m<0;1<m<2. C.m=2. D. m<0.

Loi giai
A ‘A A 1A A 214 A X -4 A T .
biéu kién tanx # m . Diéu kién can dé ham s6 dong bién trén [O;Z] la m 95(0;1)

2—-m

'

~ cos® x(tanx — m)*>

Ta théy: >0Vx G[O;%) im eE(O;l)

'>0 -m+2>0
\ {y Q{m

Dé hs dong bién trén (O;ZJ &
4 m ¢(0;1) m<0;m>1

cos” x(tanx — m)’
< m=<0 hoic 1<m<?2

? —4x

. 4 X A LA T III .
Hamso y= dong bien trén [1;+oo) thi gia tri cua m la:

xX+m

Aome [—%;2}\{—1}. B. me(-L2\{-1}. C.m e(—l;%) . Dom e(— ﬂ
Giai

2_y . S
=2 6 tap xdc dinh a D =R\{-m} va y =X F2mE=dm
X+m (x+m)

-m<1

Ham sé da cho dong bién trén [L+0) <1
x +2mx—4m=0,Vx e [1;+oo)

0988323371 | Bién soan va suu tim: T6 Qubc An



2D1-BT39:Bai toan Tham sé xét tinh Pon diéu H phén thic. When the student is ready , the teacher will appear.

x*+2mx—4m>0,Vx €[l;+0) < 2m(x—2) > —x*,Vx e[l;+) (1)

Do x=2 thoa bt phuong trinh 2m(x—2)>—x> véi moi m nén ta chi can xét x 2.

2
2m < = ,Vxe[1;2)
x=2

Khi d6 (1) < . )
2m>— ,Vx €(2;+00)
x_

’ _—x’+4x

Xétham sé f(x)= _Xz trén [1;400)\{2} 6 f'(x)= 2y
xX— x—

x=0 ,
f'(x)=0= [ Bang bién thién

x |1 2 4 +00
V' + + 0 -
400 -8

yl/_oo/\+oo

YCBT & {2m<1 <:>—l<m£%.

2m > -8
Cau 17: Tim tat ca céc gia tri thuc cua tham s6 m d€¢ ham s6 y = al = 7 dong bien trén khoang (0;+)
x +1
A. m<0. B. m<1. C.m<-1. D. m<2.

Loi giai
TXD:D=R

, —mx+1

plo_ T
(x2 +1)\/x2 +1

Ham s6 dong bién trén (0;+90) khi va chi khi y' > 0,Vx & (0;+)

< —mx+120 (1),Vx e(0;+0)

m= 0(1) ding

O m>0c>—mx+l>0<:>x<i.V€1y (1) khong thoa man
m

0 m<0<:>—mx+1<0<:>x>l.khid(') (1)<:>i<0 thoa man
m m

Vay m<0.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT39:Bai toan Tham sd xét tinh Pon diéu H phin thirc.

Cau 18:

Cau 19:

Cau 20:

(m—=1)Vx—1+2

Cho hamso y = . Tim t@p tat ca cac gia tri cua tham s6 m d€ ham so dong bién

Jx—1+m
trén khoang (17;37).
A. me[-4;-1). B. m e (—o0;—6]U[-4;—1) U(2;+0).
C. me(—o0;—4]U(2;+0). D. me(-1;2).

Loi giai
Chen B.

Dit t=x—1—3) 5, ¢ (4;6). Do r=~x-1 ddng bién trén khoang (17;37) nén bai toan
duoc phat biéu lai nhu sau: “ Tim tap hop tAc ca cac gia tri thuc cua tham sb m dé ham sb
(m - l)t +2 R )
=-———— dong bién trén khoang (4;6)”.
t+m
Giai ta dugc dap an B.

, 3 —
Cho ham so yz(x/x2 +1—x) —m(2x2 —2x/x* +1+1)—m—6—1. C6 bao nhiéu gia tri

Vi +l+x

nguyén duong ctia tham s m dé ham s6 nghich bién trén R.
A.s. B. V0 sb. C.2. D. 3.

Loi giai

/ —NY ||
Dit t=~+x"+1-x=f(x). Taco f'(x)= Al ) ) <0,VxeR. Suy

raham s ¢ = f(x) =+/x* +1—x nghich bién trén R .

Taco lim f(x)=+ Suyrar>0.

Nén yéu cau bai toan sé& thay d6i nghich bién thanh dong bién hay bai toan dugc phat biéu lai
nhu sau: “ C6 bao nhiéu s6 nguyén m dé hamsé y=1'—mt* —(m—6)¢—1 dong bién trén
khoang (0;+).

Giai ta dugc dap an D.

(2m2 — 1) tan x

tan” x + tan x + 1

I T I 21 5 e . e N ) T \
Tat ca cac gia tri cia m d€¢ ham s y = nghich bién trén khoang (O;Zj la:

-1
B. m <— hoac m >

A, —<m<—. —.
V2 2 V2o V2
C __1<m<L D O<Wl<L
.\/5 \/E . \/5
Loi giai
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2D1-BT39:Bai toan Tham sb xét tinh Pon diéu H phan thire. When the student is ready , the teacher will appear.

e (2m® =1)(£ +1+1)—(2m* —1) (2t +1) _ (1-2m*) (¢ -1)
(t2+t+1) (t2+t+1)

Dat tanx=¢;x e [O;%) —te (0;1)

! :>t:1<:>x:£y'<0<:>(1—2m2)(t2—1)<0<:>_—1<m<

1
-1 4 22

! O t
=0
7 t
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

BAI 40: XAC PINH PUONG TIEM CAN CUA PO THI HAM SO.

A.LY THUYET:
Bai toan :

Xdc dinh dwong tiém can cua do thi ham so.

Véi dudng tiém can ngang ta xét: lim f(x) = y,; lim f(x) =y,
Str dung may tinh b tii:
I Tinh lim f(x): f(x) CALC 10" . Néu ERROR , thay bing 10° .
"I Tinh lim f(x):[Nhap ham|f(x) CALC —10" .Néu ERROR , thay bang —10° .

V6i dwong tiém cin dirng ta xét:

lim f'(x) =+o0; lim f(x) = —o0;

X=X X—>Xg
lim f(x)=+o0; lim f(x)=—0
XXy XXy

Str dung may tinh b tii:
" Tinh lim f(x): [Nhap ham|f(x) CALC x,+10™ .Néu ERROR , thay bang 10°° .

1 Tinh lim f(x): [Nhap ham|f(x) CALC x,-10" .Néu ERROR , thay bang 10 .
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

B. Vi DU MINH HQOA

x+1

Cau1: Duong tiém can ding cua do thi ham sé y = 5 la
x—
A y=2. B. x=1. C.y=1. D. x=2.
A . 2 \ AL 1N iA A D U ,: 3x—1
Cau 2: Duong thang nao sau day la tiém can ngang cua do thi ham so y = 2 1?
x_
1 3 1
A, y=1. B. y=—. C.y=—. D.y=—.
y y 3 y > y 5
A A s Laa A 3x+1 \ A A A A A \
Cau3d: Dothihamso y= 2 ¢6 cac duong tiém can dung, ti€ém can ngang lan lugt Ia
x+
A, x=-2, y=-3. B. x=-2, y=3.
C.x=-2, y=1. D. x=2, y=1.
Cau4: DO thi ciia ham s nao dudi day co6 tiém can dung?
2 2
x =3x+2 X
A y=—-—"- B. y=
4 x—1 YT
C. y=+x" -1 D. y:L
x+1
Cau 5: DO thi ciia ham s6 nao dudi day co tiém can ngang?
3x+1 X
A. = . B. = .
g x—1 g VI-x
2
1
C. y=x-2x"+3x+2.D. y:ﬂ.
x=2
, . . ¥ —x+1
Cau 6: SO duong tiém can cua do thi ham so y:2—2 la
X —x—
A. 2. B. 3.
C. 4. D. 1.
Cau7: Do thi himsb y=——— c6 méy tiém can?
x —
A. 0. B. 3.
C. 1. D. 2.

Vx+9-3

Cau8: Sotiém can dtng cua dd thi ham sb y=—7 la
X +Xx
A. 3. B. 2.
C.0. D. 1.

Cau9: Chohamsé y=f(x) c6 lim f(x)=1 va lim f(x)=-1.
Khang dinh nao sau day 1a khiang dinh ding?
A. Do thi ham sb da cho khong c6 tiém can ngang.
B. D4 thi ham s6 da cho c6 ding mot tiém can ngang.
C. D) thi ham s6 di cho c6 hai tiém cén ngang 1 cac duong thang y=1va y=-1.

D. D6 thi ham s6 da cho c6 hai tiém can ngang 1a cac duong thang x=1 va x=—1.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Cin cia DPTHS.

Céu 10: Cho hams6 y = f(x) c6 bang bién thién nhu sau

X | —oo 1 +00

/’+°° —

y
Téng sb tiém can ngang va tiém can dimg cta do thi ham sb da cho 1a
A. 4. B. 1. C. 3. D. 2.
C. BAI TAP TREN LOP
Cau 1: D6 thi ham s6 y=x—_1 c6 duong tiém cén ngang la
X+
A y=1. B. x=1. C.x=-1. D. y=-1.
A A A, P £ -x+3
Cau 2: Tiém can dung cua do thi ham s6 y = 1 la
X+
A. x=1. B. y=-1. C.x=-1. D. x=3.
5 . 2x+1
Cau 3: Tiém can ngang ctiia do thi ham so y = 2x 3 la
x_
2 3 1
A, y=1. B. y=—. C.x=—. D. y=—.
g Y773 2 Y73

P A XA A , \ \ 2
Cau4: DO thihamso y= c6 tiém can dung la duong thang?

x_
A. x=-3. B. x=2. C.x=-2. D. x=3.
2
o L . -3x—4
Cau5: Tim s0 tiém can dang cua do thi ham so: y:%?
x _
A. 2 B. 3 C.1 D. 0
£ . . , -1
Cau 6: SO duong tiém can dimg va ngang cua do thi ham so y=2x_2 la
X +x—
A. 1. B. 4. C. 3. D. 2.
A N SN ~ , . R A o a z x+1
Cau7: Tim s0 tiém can ding va ngang cua do thi ham so6 yzﬁ.
x —=3x—
A. 0. B. 2. C.1. D. 3.
A A s 1x £ 4x+4 f AL . n \ n R
Cau 8: DO thihamso y =—; c6 tat ca bao nhiéu duong tiém can?
X +2x+1
A. 2. B. 0. C. 1. D. 3.
Cau9: Sotiém can ding cua dd thi ham sb yzﬁ la
X" +x
A. 2 B. 0 C.1 D.3
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2D1-BT40:Xac dinh Pwong Tiém Cin cia DPTHS. When the student is ready , the teacher will appear.

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

_Nx+16-4 1a

S6 tiém can dung ctia do thi ham s6 y =

X +x
A. 0 B. 3 C.2 D. 1
86 tiém can dimg ctia d6 thi ham sé y = —”jH a

X" +x
A. 3. B. 0. C.2. D. 1.
S6 cac duong tiém can dung cua d6 thi ham sb y= % la

x p—

A. 3. B. 0. C. 1. D. 2.

Do thi ciia ham s6 nao trong cac ham s6 nao dudi dy c6 tiém can ding?
1 1 1 1
A y=—= B. y= C.y= D.y=—5——
Y \/; 7 xt+1 7 x*+1 4 X 4+x+1
Cho ham s6 y = f(x) c6 d6 thi (C) c6 bang bién thién sau:
T —w -1 +owo

v - | -

Do thi (C ) ctia ham sb ¢6 bao nhiéu duong tiém can?

A. 2. B. 1. C.0. D. 3.
Cho ham s f (x) co6 bang bién thién nhu hinh bén. Tim s duong ti€m can cua dd thi ham sb

y=r(x)?

e
+
+

\
\

A. 0. B. 1. C.2. D. 3.

Cho ham s6 y = f(x) c6 bang bién thién nhu hinh v& dudi day. Héi dd thi ctia ham sb da cho
¢6 bao nhiéu duong tiém can?
X —0 -2 0 4ot

b +

. / \0

ok
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Cin cia DPTHS.

Al B.3 C.2 D. 4

Céu 17: Chohamsd y= f(x) c¢6 bang bién thién nhu sau:

X —0 -2 0 +o0
y' + -
—0 0

Do thi ham sb da cho co tit ca bao nhiéu duong tiém can?
A. 0. B. 1. C. 3. D. 2.

Cau 18: Cho hamsd y = f(x) ¢6 bang bién thién nhu sau

=

Hoi dd thi ham sb da cho co tt ca bao nhiéu tiém cén ?
A. 3. B. 2. C. 1. D. 4.

Ciu 19: Cho hamsd y= f(x) 6 bang bién thién nhu sau

—00 —2 2 “+oo

y _ _ _
0 +0o0 +00

N N

—00 —00 —00

Tong s0 tiém cén diing va tiém cén ngang cua do thi ham s6 da cho la

A. 4. B. 2. C. 1. D. 3.

Cau 20: Cho hams6 y = f(x) ¢6 bang bién thién nhu sau.

X -0 -1 1 +a0
V' + + 0 -
3 2
Yy / / \
1 —0 -1

Téng s tiém can ngang va tiém can dung cua do thi ham f (x) la
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A. 2. B. 1. C. 4. D. 3.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

D. BAI TAP REN LUYEN

2—x

Cau 1: S6 duong tiém can dung cua dd thi ham sé y = > ?
x —_—
A.3. B. 4. C. 1 D. 2.
Céu2: S tiém can dimg ctia d thi ham sb y = —“‘j9_3 la
X +X
A. 0. B. 3. C.2. D. 1.
Cau3: SO tiém can ding ciia dd thi ham s y = —“"jH 1a
X +Xx
A.3. B. 0. C. 1 D. 2.

X
V257

A. 1. B. 2. C. 3. D. 4.

Cau4: DO thihamso y= c6 bao nhiéu dudong tiém can?

Cau5: DO thi cia hamsd y = R ¢6 bao nhiéu tiém can?
X +2x—

A. 0. B. 2. C. 1 D. 3.

Vx?=3x+5

Cau 6: DO thi hamso y = c6 tat ca bao nhiéu duong tiém can dung va tiém cén ngang?

x—1
A. 3. B. 2. C. 1. D. 4.
Cau7: SO tiém can dung va tiém can ngang ctia dd thi ham s y = al :rl la
x —1
A. 1. B. 3. C.0. D. 2.
N N V¥t =2x+x .A . A
Cau8: Dothihamso y= — ¢6 bao nhiéu duong tiém can?
x_
A. 3. B. 0. C.2. D. 1.
. . 2x—+x 1 : :
Cau9: DO thihamso y= al 3x e c06 bao nhiéu duong tiém can?
X +x
A.2. B. 1. C.4. D. 3.
. ) ; x—1
Cau 10: SO duodng tiém can cta d6 thi ham so y = la
s Hem e ) 4 4~/3x+1-3x-5
A. 3. B. 2. C. 1. D.O.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Cau 11: DO thi ham s y= x-8 c6 bao nhiéu duong tiém can?
Jx*=3x
A. 2. B. 4. C. 1. D. 3.

2 —_— —_—
Cau 12: Tong sé duong tiém cén ding va dudng tiém can ngang ctia d6 thi ham sé y = : 4x 2)(4x 18)2 N
x=2)(x+

A. 2. B. 3. C. 4. D. 1.

Vx -1

Cau 13: Hoi dd thi ham s6 y = c6 dang bao nhiéu ti¢m can dung va tiém can ngang?

X2 =3x+2
A. 3. B. 0. C.2. D. 1.

Cau 14: Cho hams6 y = c6 dd thi (C). Tim sb duong tiém can ding cta do thi (C).

x—1
J2xr -2
A. 2. B. 1. C.0. D. 3.
Jx+2019

———1a
|x|-2019
A.3. B. 1. C.2. D. 0

Cau15: S6 duong tiém can cua dd thi ham sb y=

Cau 16: Cho ham s y = f(x) xac dinh va c6 dao ham trén R\{il} . Ham s6 ¢ bang bién thién nhu

hinh v& du6i day. Hoi d6 thi ham s6 y = f(x) 6 tat ca bao nhiéu dudng tiém can?

x —x -1 0 1 +x
+ - 0 + +
y'
1 ||+ +x 3
=3 -2 —w
A. 1. B. 2. C. 3. D. 4.

Cau 17: Cho ham sb f (x) xac dinh, lién tuc trén R\ {—1} va c6 bang bién thién nhu sau:

s ———
£(x) 2|40 s
/ \0 /
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Khang dinh nao sau ddy la ding?

A. Db thi ham sb khong c6 tiém can ding.

B. D6 thi ham s6 khong c6 tiém can ngang.

C. D6 thi ham sb ¢6 1 tiém can dang, 1 tiém can ngang.
D. D6 thi ham sb ¢6 2 tiém can ding.

Ciau 18: Cho hams6 y = f(x) lién tuc trén R\ {1} va ¢ bang bién thién nhu sau:

N —o0 —2 1 2 +oo
Y - 0 ' ; 0 il
+o0 +00 3
2 A -~
s A 1 . A
Do thi ham s6 y = —————— c6 bao nhi€u duong tiém can dung?
2f (x) -5

A. 0. B. 2. C. L D. 4.

Cau 19: Chohamsé y = f(x) xéc dinh, lién tuc trén R va c6 bang bién thién nhu hinh bén dudi

x —o0 1 2 )
3 +o0
A A oA A \ A A ’ 5 A 1N A 1 \
Tong sO tiém cén ngang va tiém can ding cua do6 thi ham s6 y=—————1a
2f(x) -1
A. 4. B. 3. C. L D.2.

Cau20: Cho ham sé f(x)=ax’+bx’+cx+d c6 dd thi nhu hinh v& bén. Hoéi do thi ham sb
() (x2—3x+2)\/x—1
g(x)=

x[ 12 (x)=f ()]

¢6 bao nhiéu tiém can dung?
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

BAI 40: XAC PINH PUONG TIEM CAN CUA PO THI HAM SO.

A.LY THUYET:
Bai toan :

Xac dinh dwong tiém cdn cia do thi ham so.
* Budc 1: Xac dinh tap xac dinh cia ham s6.

* Budc 2: Dya vao dinh nghia vé cac duong tiém can dé xac dinh.

Véi dudng tiém cian ngang ta xét: lim f(x) = y,; lim f(x) =y,

Str dung may tinh bé tii:
e Tinh lim f(x): f(x) CALC 10" .Néu ERROR , thay bang 10° .
e Tinh lim f(x):[Nhap ham|f(x) CALC -10" .Néu ERROR , thay bang —10° .

Vi dwong tiém cin dirng ta xét:

lim £(x) =+00; lim f(x) = —oo;

X=X,
lim f(x)=+00; lim f(x)=-o
XXy X=Xy

Str dung may tinh bé tii:
e Tinh lim f(x): f(x) CALC x,+10™" .Néu ERROR , thay bang 10 .

e Tinh lim f(x): Nhap ham|f(x) CALC x, 10" .Néu ERROR , thay bang 10 .
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

B. Vi DU MINH HQOA
" R A A as A U £ x+1 .
Cau 1: Duong tiém can dung cua do thi ham s6 y = 2 la
x_
A y=2. B. x=1. C. y=1. D. x=2.
Loi giai

Cau 2:

Cau 3:

Cau 4:

TXD: D=R\{2}.

.ox+1 .ox+l1 S P S A A,
Taco lim =+00; lim =—o0, Vay d0 thi ham s6 nhan x =2 lam tiém can dung.

2" x =2 =2 x—2

3x—1

Puong thang nao sau day 1a tiém cin ngang cta do6 thi ham sd y = 1 ?
x —
1 3 1
A. y=1. B. y=—. C.y=—. D.y=—.
y y 3 L.y > y 5
Loi giai
1
370 3 ﬂ 3
Tacod limy= lim )IC = 5 nén d6 thi ham s6 nhan duong thang y = ) lam tiém can ngang.
x—>*oo x—>*o0 2 b
X
Do thi ham sé y = — 5 6 cac dudng tiém can dung, tiém cin ngang lan luot 12
X+
A . x=-2, y=-3. B. x=-2, y=3.
C.x=-2,y=1. D. x=2, y=1.

Loi giai

D=R\{-2}.
.o —3x+1 A X s 1 A 1A NP a4
Vi lim =400 nén d6 thi ham s6 nhan x =-2 Ia tiém céan dung.
x—>2" x4+
L. —3x+1 ~ TR £ ~ A ~
Vi hrP 2 =—3 nén do thi ham so6 nhan y =-3 la tiém cédn ngang.
X—>T0 X +

Do thi cia ham s6 nao dudi day co tiém can ding?
2

2 -3x+2
A.yzL B. y= 2x C.y=+x"-1 D. y X
x—1 x +1 x+1

Loi giai
Chon D

T X . X ~ . 2 A ~ , , X s L
Tacod lim —— =400, lim —— =—00 nén duong thang x =—1 la tiém can ding cua do thi ham
-1 x+1 -1 x+1

r
A

SO.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Caus:

Cau 6:

Do thi cia ham s6 nao dudi day co6 tiém can ngang?

3x+1 X
Ao = J B, = .
R e
2
C.y=x"-2x"+3x+2.D. y:Lerl
x=2
Loi giai
1
3+—
Ta c6 limyzlim(3x+lj:1im x| _3.
X—>+00 P e | X—>+00 l—l
X

= y =3 la phuong trinh dudng tiém can ngang cta do thi ham sb.

2 —
S6 duong tiém can cua d thi ham s6 y= xz—x-l-; la
X —x-
A. 2. B. 3. C. 4. D. 1.
Loi giai
Tap xac dinh: R\ {—1;2} .
1 1
¥ —x+1 -2+ ; .
Tacod limy= lim PR = lim % =1= d06 thi ham s6 c6 mot duong ti€ém can
xX—>to0 X—>do0! X —x— X—>to0
|- — =
x X
ngang la y=1.
. . xP—x+1 . ) x'—x+1
lim y= lim | —— |=+4%, lim y= lim | —— |=—.
x—>(-1) x=>(-1) X —x-2 x(-1)" (-1 x —x-2

x—>2" -2\ xT=x=-2 x—>2" 2| P

. [ X —x+1 . . [ X —x+1
limy=lim| ———|=-, limy=Ilim| ——— [=+0.
X —-x-2

Suy ra dd thi ¢6 hai duong tiém can dung la x=-1, x=2.

Vay dd thi ham sb da cho ¢6 3 duong tiém can.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

A X s 1y £ X r A A ~
Cau7: DOthihamso y= c6 may tiém can?

x2 -
A. 0. B. 3. C. 1.
Loi giai

I
N

Taco x> —4=0x=12

. - 2 1 A \ o A be 1N LA A ’ 5 A S 1N A
hrrzl( xz 4) = 2 nén duong thang x =2 khong phai 1a tiém can ding ctuia do thi ham so.
xX—> X —

lim ( Y2 j: lim — =4, lim ( Y2 J: lim —— = o0, nén dudng thing x=-2 Ia
x>-2"\ x7 — x—>2" x+2 x=>(=2) \ X" — x>(-2) x+

tiém can dung cua do thi ham so.

. x=2 A \ 2 _ \ia A , A 11 A
xlirgo ( e j =0 nén duong thang y =0 la tiém can ngang cua d6 thi ham so.

Vay co dd thi c6 hai duong tiém can.

Vx+9-3 .

Cau8: SO tiém can dimg ctia dd thi ham s y =—~— la
X +Xx
A. 3. B.2. C.0. D. I.
Loi giai

Tap xac dinh ctia ham sb: D = [-9;+0)\{0;-1}
Taco: lim y= lim Y7273 _tova tim y = lim Y7272 0o TCP: x=-1

x—>(-1)" o X"+ x x=>(-1) o) X" +x

Jx19-3 1 Jx19-3 1
limy = lim ¥ 3273 2L atimy = im ¥ 3 2L 20 khong 1a TCP
x—>0" 0" x“ 4+ x 6 x—0" =00 x 4+ x

Vay dd thi ham s ¢6 1 tiém can dimg.
Céu9: Chohamsd y=f(x) co lim f(x)=1valim f(x)=-1.
X340 X—>—0
Khang dinh nao sau day 1a khiang dinh ding?
A. D) thi ham sb di cho khong c6 ti€ém can ngang.
B. D6 thi ham s6 da cho ¢ dang mot tiém can ngang.
C. D6 thi ham s6 da cho c6 hai tiém can ngang 1a cac dudng thang y=1va y=—1.
D. D6 thi ham sb da cho c6 hai tiém c4n ngang 1a cac duong thing x=1 va x=—1.
Loi giai

Ta co: lim f(x) =1 =P06 thi ham s6 ¢6 tiém can ngang 13 y =1

X—>+00

va lim f(x) = —1 =D} thi ham s6 co tiém can ngang [a y =—1

X—>—00
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Cin cia DPTHS.

Cau 10: Cho hamsd y = f(x) c6 bang bién thién nhu sau

X | —o0 1 +00

+00
/ / 5
y
Téng s6 tiém cén ngang va tiém can dung cua dd thi ham sb da cho la
A. 4. B. 1. C. 3. D. 2.
Loi giai

Vi lim f(x)=5 =duong thing y =5 1a tiém can ngang ctia do thi ham sb.

X—>+00

Vi lim f(x) =2 = duong thing y =2 1a tiém c4n ngang cta dd thi ham sd.

X—>—0

Vi lim f (x) =400 =>duong thang x =1 13 tiém can ding ciia do thi ham sb.

x—l

KL: D6 thi ham sb ¢6 téng s6 ba duong tiém can.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.
C. BAI TAP TREN LOP

L : -1 :
Caul: DOthihamso y= x_l c6 duong tiém can ngang la
X+

A. y=1. B. x=1. C.x=-1. D. y=-1.
Loi giai

1 1
.ox—1 1-— | 1-—
Ta co: lim=—— = lim 316 =1 va lim=—— = lim ’lczl.
x40 x 4 | x—)+001+7 x—-0 x + | x—>7001+7
X X

N . -1 . ,
Do d6 d6 thi ham so y = x_l c6 duong tiém can ngang la duong thang y=1.

X+
A A ~ , ) A 1t La J -x+3 .
Cau2: Tiém can ding cua d6 thi hamso y = " la
X+
A. x=1. B. y=-1. C. x=-1. D. x=3.
Loi giai

Taco: lim y=+400; lim y=—o0.

x—>-1" x—>-1"

Vay duong thing x =—1 1a tiém can dimg cta do thi ham s6 da cho.

. A ; 2x+1
Cau 3: Tiém can ngang cua do thi ham so y=2x 3 la
x—
2 3 1
A. y=1. B. y=—. C.x=—. D. y=—.
a.y Y 3 5 y 5
Loi giai
Vi limy = lim 2etl =1 va limy=lim 2o+l =1 nén y=1 la tiém cin ngang cua do thi
X—>+00 x>+0 )y —3 X——%0 x>0y —13
g 2x+1
hamsd y = .
2x-3
A TR ) T-2x ., ... A , \ . 2
Cau4: Dothihamso y= co tiém can ding la duong thang?
x_
A. x=-3. B. x=2. C.x=-2. D. x=3.

Loi gidi
Chon B

Tacod: limy= lim

x—2" -2t x—

X A en A , ) N TREN JONRET
=+o0 nén tiém can ding cua do6 thi ham so trén la x=2.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

2
< A L . -3x-4
Cau5: Tim so tiém can ding cua do thi ham s6: y = % ?
-
A. 2 B.3 C. 1 D. 0
Loi giai

x> —3x—4 X+

T S
(voi dieu kién xac dinh), do d6 d6 thi ham co6 1 ti€ém cén ding.

Taco y=
YTTE 16 x4
A ) \ ‘a A , \ , ERER 4 x—1 \
Cau 6: SO duong tiém can ding va ngang cua d6 thi ham s6 y=2—2 la
X +x-
A. 1. B. 4. C. 3. D.2

Loi giai
Chon D

. -1 X s ; .
Ta co hmzx— =0 = d6 thi ham s0 da cho ¢6 1 duong tiém cén ngangla y=0.
xoko X7 4 x—2

) x—1 . x—1 . 1 1
2 G (e2) 23

o A * = Db thi ham sb di cho c6 1 dudng tiém
lim x-1 = +00

can ding la x=-2.

Vay d6 thi ham sé da cho ¢6 1 dudng tiém can dimg va 1 dudng tiém cin ngang.

L . . +1
Cau7: Tim so tiém cén ding va ngang cua do thi hams6 y=———— x3 5
x —3x-—
A. 0. B. 2. C. 1. D. 3
Loi giai
Tap xac dinh D =R\{-1;2}.
. ) x+1 ) 1 a4,

+) lim y = lim = lim =—o0, suy ra x =—1 1a ti€ém can dang.

P x—>71*(x+1)2 (x-2) e (x+1)(x—-2)

+) limy = lim x

——————— =+, suy ra x =2 la tiém can dung.
x—2" x—2" (x+1) (x_z)

+) limy =1limy =0, suy ra y =0 la tiém can ngang.

X—>+0

Vay d6 thi ham s6 ¢6 3 tiém can dimg va ngang.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Cau 8:

Cau 9:

Cau 10:

X s : 4x+4 . . .
D6 thi ham s6 y =—; al c6 tat ca bao nhiéu duong tiém can?
X 4+2x+1
A 2. B. 0. C.1. D. 3.
Loi giai
. . 4x+4 X 4. . 4x+4 .
Taco: limy= 11m2x—=0 nén do thi ham so y=2x— c6 tiém can ngang y=0.
xoxo”  aoroxt +2x 41 X 4+2x+1

. ) 4x+4 4 NN z 4x+4  em a4,
lim y= lim — = lim ——=+00 nén d6 thi ham s6 y =————— ¢6 tiém cén dung
ol sl T 4 2x 41 U x4+ X +2x+1
x=-1.

A A L LA X 4x+4 f o Ae a1t 4y . A L.

Vay do6 thi ham s6 y =—; il o tat ca hai duong tiém can. Chon dap an  A.
X"+ i2x+

Vx+25-5

S6 tiém can dimg ciia dd thi ham s y =~— 1a
X +X

A.2 B. 0 C. 1 D. 3
Loi giai

Tap xac dinh D =[-25;+0)\{-1;0}.

. . Nx+25-5
Vi lim y= lim ————

= +o0 nén do thi ham sb da cho ¢6 1 tiém céan ding x=-1.
)c—>(71)4r x—)(fl)

"

X +Xx

Jr+16-4

S6 tiém can dimg ciia d6 thi ham s6 y =~ 1a
X +Xx
A. 0 B.3 C.2 D. 1
Loi giai
Tép xé4c dinh ham s6 D =[~16;+0)\{-1;0}.
, .o ANx+16-4 1 . x+16-4 N x+16-4
Taco: im————=—; lim ———=+4wova lim ———=-w.
x>0 (x+1)x 8 (-1 (x+1)x xo(-1) (x+1)x

Viay d6 thi ham sé da cho c6 tiém cén ding 1a x=—1.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 11: S6 tiém can dtng cua dd thi ham sb y=

Cau 12:

A. 3. B. 0.

Tap xac dinh: D =[-4;+)\{-1,0}.

Nx+4-2

la

X’ +x

C.2.
Loi giai

I

= lim !

Tai x=0, ta co: lim

x—0"

Vx+4-2 X

Jx 3 x
xXT+x x”°+x(x+1)(\/x+4+2)

1
HO*(x+1)(M+2) 4

1 1

= lim

va lim——; = lim
x—0" X +Xx

HO*x(x+1)(\/M+z) HO’(x+1)(M+2) 4

Suy ra x =0 khong phai 1a duong tiém can ding cua do thi ham sd.

Vx+4-2

X’ +x

Tai x=-1,taco: lim

)(—)(71)4r

=400 (hoac lim

Nx+4-2

2 =—0).
X" +Xx

x—>(-1)"

Suy ra duong thang x =—1 1a tiém can dimg ciia d thi ham sb.

S6 cac duong tiém can ding cua do thi ham s6 y =

A. 3. B. 0.

+) Tép xac dinh D =[-3;+00)\{-L1}.

Vx+3-2

+)Taco lim = lim

Vx+3-2 .

la
x =1

C. 1. D. 2.
Loi giai

x—1 1

= lim =

+) Tuong tu ta dugc limﬁ

x—=>1" X —

x—>(-1)

+)Do ¢ lim (x*~1)=0

x—>(-1)

xP=1>0,khi x<-1

lim (Vx+3-2)=v2-2<0

= lim

1
= S x=)(xr+1) (Vxr3+2) 2 (rr1) (V3 +2) 8

1 .
= 3 suy ra x =1 khong la duong tiém can dung.

Vx+3-2

=—0
> .
x =1

x—>(-1)

Vay duong thang x =—1 1a dudng tiém can dung.
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2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS. When the student is ready , the teacher will appear.

Céu 13: DO thi ciia ham s6 nao trong cac ham sb nao dudi ddy co tiém can dung?
1 1 1
A y=—= B. y= C.y= D.y=—F——
i \/; 7 xt+1 7 x> +1 7 X +x+1

Loi giai

. .1 . 5 g : 1
Ta co lim y= hmT =400 = x =0 [a tiém cén ding cta do thi ham s6 y=—
X

¥t X0 Vx

Chu 14: Chohamsé y = f(x) c6 do thi (C) c6 bang bién thién sau:

—w -1 + o0

[
+
B8

/
/

D6 thi (C) ciia ham s6 ¢6 bao nhiéu dudng tiém can?

A 2. B. 1. C.0. D. 3.
Loi giai

Dua vao bang bién thién ta thay:

lim y =2 nén dudng thang y =2 1a dudng tiém can ngang cia do thi ham sb.

x—>too
limy =—-o0; limy =+ nén duong thang x =1 1a duong tiém can ding cua dd thi ham sd.
x—-1*

x—1"

Vay d6 thi ham s6 c6 hai duong ti€ém cén.

Cau 15: Cho ham s f (x) c6 bang bién thién nhu hinh bén. Tim s6 duong tiém can ciia d6 thi ham sd

y=r(x)?

X —® -1 + ®

V' - -

2 1
y
1 / 3 /
A. 0. B. 1. C.2. D. 3.
Loi giai
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 16:

Cau 17:

Taco lim y=1= y=1 latiém can ngang.

x—>E

lim=2; lim y=-3 do d6 dd thi ham sé khong c6 tiém can dimg.

x—>-1" x—>—1"
Vay dd thi ham sb co 1 tiém can.
Cho ham s y = f(x) c6 bang bién thién nhu hinh v& duéi day. Hoi do thi ciia ham s6 da cho

¢6 bao nhiéu duong tiém can?

X —0 -2 0 +aC
b +
+0 |1
’ / \
. 0
A. 1l B. 3 C.2 D. 4
Loi giai

Dua vao bang bién thién ta co :

lim f (x) = —o0, suy ra dudng thang x =—2 13 tiém can ding cia do thi ham sb.

x—>-2"

limf(x) = 400, suy ra dudng thang x =0 1a tiém cén dung ciia do thi ham sd.
x—=0"

lim f(x) =0, suy ra duong thing y =0 14 tiém cén ngang cua do thi ham sd.

X400
Vay d6 thi ham s ¢6 3 duong tiém can.
Cho ham s y = f(x) c6 bang bién thién nhu sau:

X —0 -2 0 +o0

' + -

+oo || 1

/\.

—0 0

D0 thi ham s da cho ¢6 tat ca bao nhiéu duong tiém can?
A. 0. B. 1. C. 3. D. 2.
Loi giai

Dua vao bang bién thién ta thiy: lim y=—o0; limy=+4w; lim y=0.
x—0" X—>+0

x—>-2"

Vay d6 thi ham sé c¢6 2 duong tiém can dimg la: x=-2; x=0 va 1 duong tiém cén ngang la

y=0.

0988323371 | Bién soan va suu tim: T6 Qubc An



2D1-BT40:Xac dinh Pwong Tiém Cin cia DPTHS. When the student is ready , the teacher will appear.

Suy ra dd thi ham sb da cho c6 tit ca 3 duong tiém can.

Ciau 18: Cho hamsb y = f(x) c6 bang bién thién nhu sau

-

Hoi dd thi ham sb da cho co tt ca bao nhiéu tiém cén ?
A. 3. B. 2. C.1. D. 4.
Loi giai

Tacod: lim y=—c0 = x=-2 latiém cén ding bén trai.

x—>-2"

limy =40 = x=0 la tiém can ding bén phai.

x—0"

lim y =0 = y=0 la tiém can ngang bén phai.

X—>+0
Suy ra do thi ham so c6 tat ca 3 duong tiém can.

Céu 19: Chohamsd y = f(x) c6 bang bién thién nhu sau

Téng s6 tiém cén dtmg va tiém cén ngang cua dd thi ham s6 di cho 1a

A. 4. B. 2. C. 1. D. 3.
Loi giai

Tir bang bién thién ta thay:

limy=0 = y=0 la duong tiém cén ngang.

X—>—00

lim y=-o0; lim y=+0w = x=-2 laduong tiém can ding.
x—>(-2) x—)(—Z)Jr

limy=-w0; limy=+00 = x=2 laduong tiém can ding.
x—2"

x—>2

Vay dd thi ham sb di cho c6 3 duong tiém can.

https://www.facebook.com/toanthayan | 0988323371




Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 20: Cho hamsd y= f(x) cobang bién thién nhu sau.

X -0 -1 1 +o0
V' + + 0 -
3 2
1 —0 -1
Tong s tiém can ngang va tiém can dung cua do thi ham £ (x) la
A 2. B. 1. C.4. D. 3
Loi gidi

Dua vao bang bién thién, ta thiy:

lim f(x)=1 = y=11atiém cin ngang cta d thi ham s6 f(x).

X—>—0

lim f(x)=-1 = y=-1 1a tiém can ngang ciia d6 thi ham s6 f(x).

X—>+00

lim f(x)=-0 = x=-1 la tiém can ding cta do thi ham so f(x).

x—>-1"

Viy tong s6 tiém c4n ngang va tiém can dung cia dd thi ham £ (x)1a 3.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

D. BAI TAP REN LUYEN
‘ . , N . 2—
Caul: SO duong tiém can ding cta do thi ham s y =— x5 ?
X —
A. 3. B. 4. C.1. D. 2
Loi giai
Cho x*-5=0< x=1/5.
Khi do: lim 2= = —o. lim 22_x — 40, lim 22_x =0 va lim 22_x _——
x~>\/§+x —5 x5 X —5 )H(_\E)*x _5 xa(—ﬁ)ix _5
Nén dé thi ham sb y = 2_’“5 ¢6 2 dudng tiém can dimg 13 x =5 va x=—5.
X —
Céu2: SO tiém can dimg ctia d thi ham sb y = —”x29_3 la
X +x
A. 0. B. 3. C.2. D.1
Loi giai
Ham s y= ﬁ c6 tap xac dinh D =[-9;+0)\{-1;0}.
X +x
vi: im¥* 2 =3 i x = lim ! .
=0 x4 x Ho(x2+x)(\/m+3) Ho(x+1)(\/xj+3) 6
. Ax+9-3 . ANx+9-3
va lim ————=-00; lim —————=+0
oot Xt 4 x ool XU +X
nén dd thi ham sb chi c6 mot tiém cén ding la x=-1.
Cau3: S tiém can dimg ctia d thi ham sb y = —“’“24_2 1a
X +x
A. 3. B. 0. C. 1. D. 2.
Loi gidi
Tap xac dinh: D =[-4;+00)\{-1;0} .
Do lim y= lim Vx+4-2 = —o0 nén dudng thang x =—1 13 mot duong tiém can dimg cua do

x—>—1" x—>-1" x2 +Xx

thi ham sb da cho.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 4:

(\/x+4—2)(\/x+4+2) !

Do limy = im¥* =2 _ fim = lim _

207 w0yl gy 0 x(x+1)(M+z) (x+1)(M+2)

duong thing x =0 khong 1a tiém cén ding cia dd thi ham s6 di cho.

I

Vay dd thi ham sb da cho c6 mot tiém can dimg x=-1.

25— x*
A. 1. B. 2. C. 3. D. 4.
Loi giai

Do thiham so y = ¢6 bao nhiéu duong tiém can?

Tap xac dinh: D = (—5;5) nén dd thi ham sd khong c6 tiém can ngang va tiém can xién.

. -1 . .
Vi lim —— = nén duong thang x =-5 la tiém can ding.

(-5)" 425 — x?

I X — A \ 2 RPN A ,
Vi lim——— =+ nén duong thang x =5 1a tiém can dung.

15 \[25 — x?

Véy dd thi ham s c6 hai dudng tiém can.

DO thi cia ham s6 y = ¢0 bao nhiéu tiém can?

X +2x-3
A. 0. B. 2. C.1. D. 3.
Loi giai

Tap xac dinh: x € (—o0;+00)\{-3;1}.

= Puong thing x = -3 1a tiém can ding cta do thi ham sb.

= Pudng thing x =1 khong 1a tiém cin dung cua do thi ham sd.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Vx?=3x+5

Ciu 6: DO thi hamsd y= — c6 tat ca bao nhiéu duong tiém can ding va tiém cin ngang?
Y—
A. 3. B. 2. C. 1. D. 4.
Loi giai

Tap xac dinh: D=R\ {1}.

2 —
* limy = lim >~ 3f+5=+«avihm4x2—3»+5zd§,hnqx—1y=0vax—1>0,Vx>1
X — x>1" x-1*

)(4)14r x—1"
h_7+4,
X X

l_f
X

= x =1 4 tiém can dung cua d6 thi ham sd.

|x|‘/1——+— ‘/1——+—
* limy=lim——— Y X o lim—* X X

x—>+oo X—>+%0 X—>+00 X—>+0

= y =1 1a duong tiém cén ngang cua do6 thi ham so.

|x|‘/1——+— fl——+— - 1—é+i2
X X X X x -1

e limy=lim———=|lm———=lim—————~—
X—>—00 X—>—0 X—>—00 X—>—0 1
1——
X
= y=-1 la dudng tiém can ngang cta do thi ham sb.
Vay d6 thi ham s6 co tat ca 3 duong tiém can ding va ngang.
A A gen A 2 \ A A P U £ x+1
Cau7: S0 tiém can dung va tiém can ngang cua do6 thi ham sd y = - la
x =1
A. 1. B. 3. C.0. D.2
Loi giai

Tép xac dinh cta ham s dd cho 1a D = (L+00).

1 1
- + -
. +1 Y N A \ 2 \ A A , A L1
Tacod lim = lim x—xlx =0 nén duong thang y =0 la ti€ém cén ngang cua do thi
x—>+00 X _1 X—>+0
1——
x3
ham so
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Luyén mii thanh tai- miét mai tit gioi.

Cau 9:

Do lim(x+l):2>0; limvVx’—1=0; vx’ =1>0,Vx>1 suyra lim X+
x—1"

+ + 3
x—1 x—1 x — 1

thang x =1 1a tiém cén dung ctia dd thi ham sb.

Vay dd thi ham sb y= ¢6 hai duong tiém cén.

x =1

Vxt=2x +x

Do thi ham s y= —1 c6 bao nhiéu duong tiém can?
x —
A. 3. B. 0. C.2. D. 1.
Loi giai

Chen C
Tap xac dinh: D = (—o0;0]U[2;+ ).

Do thi ham s khong c6 tiém can dung.

/ 2
\/x2—2x+x_ . 1_;+1

2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

=400 nén dudng

f 2
Vx?=2x+x a 1_;+1
li =0.

Taco: lm——— = lim—~— =2 va lim = lim
X—>40 x—1 X400 1 X——0 x—1 X——0 1

X X

Nén d6 thi ham s6 ¢ hai duong tiém cin ngang la: y =2 va y=0.

2x—~/x? +x+1

Do thi ham so y = ¢6 bao nhiéu duong tiém can?

X +x
A2 B. 1. C.4. D. 3.
Loi giai
Tép xdc dinh ciia ham s6 1a: D =R\{0}.
o I T
X X X X X 2 2 2 3
lim y = lim =lim* X ¥*r X X _9
X—>—®0 X—>—00 3 1 X—>=00 1
x| 14— 1+—
X X
e I T
X X X X X 2 2 2 3
lim y = lim ; = lim *+—* xlx =0
X—>+00 X—>+0 x3 (1 + j X—>+0 1 + o
X X
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Puong thang y =0 14 tiém can ngang cua do thi ham sd.

2x—~/x* +x+1

Talai co: limy = lim 3 =+0.
x—0" x—=0" X +Xx
. . 2x—x*+x+1
limy = lim : = -0
x—>0" x—>0" X +Xx

Puong thfmg x =0 la tiém can ding cua dd thi ham sd.

Vay dd thi ham sb dé cho co 2 duong tiém can.

Cau10: S duong tiém can cua dd thi ham sb y= X1 la
43x+1-3x-5
A. 3. B. 2. C. 1. D. 0.
Loi giai

Chon B
Tacé: 43x+1-3x-5=0 < 4Bx+1=3x+5 <:>{

16(3x+1) = 9x* +30x+25
3x+520

=x=1.

Tap xac dinh: D = [_%H—wj\{l} )

o x—1 (=) (4BxT+3045) 4 BrrT 43S
Ta co: lim = lim 5 lim =—0
ol 4 fBx 1 -3x—5 o —9(x—1) = —9(x-1)

do d6 duong thang x =1 1a dudng tiém can ding cua do thi ham sd.

. .x_l . X 1
lim = lim -
e 4[3x+1-3x -5 H+w4\/3+ 1 5 3

. 1 ) L .
Do do6 duong thang y = 3 la duong tiém can ngang cua do thi ham so.

Két luan: Do thi ham s6 ¢6 2 tiém can.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 11: D) thi ham s6 y = X786 bao nhiéu duong tiém can?
Vxr=3x
A. 2. B. 4. C. 1. D. 3.

Loi giai
Chon B

Tap xac dinh: D =(-00;0)U(3;+ ).

Taco: limy = lim ——

= lim =5 = y =15 la tiém can ngang.
X—>+0 X+ Ix —3X xﬁm : xﬁm\/i Y . d gang

lim y = lim — = lim = lim =-5 = y=-5 la tiém c@n ngang
X—>—00 X—>—00 [x _3x X—>—0 3 X—>—00

( x) 1-— 1-=

X X

limy= limsx—_8 =—o0 = x=0 la tiém can dang
x—0 x—0" [xz _ 3x
limy= thx——S =400 = x =3 la tiém can dung.
x—3" x—3" x2 _ 3x

Viay d6 thi ham s ¢6 4 duong tiém can.

2 —_— —
Cau 12: Tong sé dudng tiém can dimg va duong tiém can ngang ctia d6 thi ham s y = foﬁz la
(x - 2) (x + l)
A. 2. B. 3. C. 4. D. 1.
Loi giai

i X —4x=8 4(x-2 (x+1): L4 4
=2 (x=2)(x+1)" =7 (x-2)(x+1)° =z x+l 3
Lol ) [ G IR S
o (x=2)(x+1)] o (x=2)(x 1) el xH]
. 4x’ —4x-8 4(x—2)(x+1):lim 4
oo (x=2)(x+1)" o (x-2)(x41)7 ot x]
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Do d6 db thi ham s6 c6 1 duong tiém can ding la x=—1.

.. 4x* —4x -8 . 4x* —4x-8
Taco m————=0va lim———
H+°°(x—2)(x+l) x*‘°°(x—2)(x+l)

Do d6 d thi ham s6 ¢6 1 duong tiém can ngang 1a y=0.
Viy tong sé duong tiém can dung va duong tiém can ngang ctia do thi ham s 1a 2.
Jx -1

Céu 13: Hoi do thi ham sé y = c6 dang bao nhiéu ti¢ém can dung va tiém can ngang?

¥ =3x+2
A. 3. B. 0. C.2. D. 1.
Loi gii
Chon C
Téap xéc dinh D =[0;+0)\{1;2} .
= Jx-1 = ! ,VxeD.

(x-1)(x-2) (\/;+1)(x—2)

limy = lim =400, limyzliméz—oo.

1
ot or (Jr ) (x-2) o or (x4 (x-2)

= Puong thing x =2 1a tiém cén dung.

lim y = lim _ =0 = Pudng thing y =0 1a tiém cén ngang.

o) (x-2)

Vay dd thi ham sb ¢6 3 duong tiém can.

Céiu 14: Cho hamsb y= ¢ do thi (C). Tim s6 duong tiém can dimg cua do thi (C).

x—1
N2x* =2
A. 2. B. 1. C.0. D. 3.
Loi giai

Tép xac dinh cia ham sé D = (—o0;=1)U(L;+ ).

x=1
Ta co: \/2x2—2:0<:>[
X

lim —2"1 = o = x=—1 13 dudng tiém cn dimg cia db thi (C).

>\ 0xr =2
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 15:

Cau 16:

= lim

=)

= 2x* =2

22X +2

=0 => x =1 khong phai la dudng tiém can dimg ctia dd thi (C).

Nhu vay do thi (C) c6 ding 1 dudng tiém cn dimg.

SO duong tiém can cua do thi ham so y =

A. 3.

Do lim y

X—>+00

Taco lim y=

Xét ham s6 y =

B.

x+2019

|x|—2019

x+2019

= lim ——

e x—2019

x—2019"

x+2019
lim ——— =+

x—=2019" x—2019

1.

Vx+2019 12

W[-2019
c.2. D. 0
Lo gidi

(1). Diéu kién xdc dinh: —2019 < x #2019.

=0 nén do thi ham s6 (1) co 1 tiém can ngang la y =0.

Suy ra duong thang x =2019 1a tiém can dimg cua d6 thi ham s6 (1).

Lai co:

lim
x—-2019*

= lim ————
x-2019" —x —2019  x>-2019" \/x + 2019

x+2019

lim ————=

-1 _

Suy ra duong thing x =—2019 1a tiém can ding cta dd thi ham sb (1).

Véy d6 thi ham s6 (1) c6 3 dudng tiém can.

Cho ham s y = f(x) x4c dinh va c6 dao ham trén R\{1}. Ham s0 c6 bang bién thién nhu

hinh v& dudi day. Hoi do thi ham sd y = f(x) c6 tat ca bao nhiéu duong tiém can?

x —x -1 1 +x
+ - + +
y'
+i0 +0 3
-3 -2 —wo
B.2. C.3. D. 4.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Loi giai
Chon D

Ta cd lim y=-3 = y =-3 la tiém can ngang cia dd thi ham sd.

X—>—00

Ta co lim y=3 = y =3 la tiém can ngang cua db thi ham sd.

X—>+00

Taco lim y=+o0 = x =—1 la ti€ém can dung cua do thi ham so.

x~>(—1)4r

Ta c6 lim y=—o0 = x =1 14 tiém cén dimg cta do thi ham sd.

x—1*

Vay db thi ham s6 c6 4 dudng tiém can.

Céu 17: Chohamsé f(x) xéc dinh, lién tuc trén R\{~1} va c6 bang bién thién nhu sau:

x —0 -1 1 +20

A I

f(x) 2| 4o +o0
/ \ 0 /

Khang dinh nao sau day 1a ding?

A. D6 thi ham sb khong c6 tiém can dimg.
B. Do thi ham s6 khong c6 tiém cin ngang.
C. D06 thi ham sb ¢6 1 tiém can dang, 1 tiém can ngang.
D. D6 thi ham sb ¢6 2 tiém can dang.
Loi giai

Tur bang bién thién ta thay: lim f(x)=-+o0 nén dd thi ham s chi c6 tiém can dimg x =—1.

1
x—)(fl)Jr

Céu 18: Cho ham sd y = f(x) lién tuc trén R\ {1} va c6 bang bién thién nhu sau:

b —00 -2 1 2 +oo
Y - 0 ; ; 0 il
+oo +o0o 3
2 — o —oo
1

Db thi ham s6 y = ¢6 bao nhiéu duong tiém cén ding?

2f(x)—5
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT40:Xac dinh Pwong Tiém Can cia DPTHS.

Cau 19:

A. 0. B.2. C. 1. D. 4.
Loi giai

Taco 2f(x)-5=0 @f(x)z% (1)

Duya vao BBT ta suy ra phuong trinh (1) ¢6 4 nghiém phan biét x,, x,, x;, x, (voi

X <-2<x,<l<x;<2<x,).

. 1 PR LA A1 L A
Mit khac ham s0 y = 5=8 (x) 6 tir thirc 1a hang s6 nén ta suy ra do thi ham s6

2f(x)~

y=g(x) co 4 tiém can ding.

Cho ham sb y = f(x) xdc dinh, lién tyc trén R va c6 bang bién thién nhu hinh bén dudi

X —on 1 2 40
3 +a0
—o0D 0
Téng s6 tiém can ngang va tiém can dung cia dd thi ham sb y= 7 (1 ) " la
x)—
A. 4. B. 3. C. 1. D. 2.
Loi giai
Chen A
1
bat h(x)=
)=

Tiém can ngang: xlirgoh(x) = xlirgoﬁ =0; xlijg)h (x) = gﬂﬁ =0.

Suy ra d6 thi ham s6 c6 mot duong tiém can ngang y =0.

Tiém c4n dung: Xét phuong trinh: 2 (x)-1=0 < f(x)=

| =

Duya vao bang bién thién ta thiy phuong trinh f (x) =% c6 ba nghiém phan biét a,b,c thoa man

a<l<b<2<c.

Dong thoi limh(x) = lim/(x)=limA(x)=+o nén do thi ham s6 y =h(x) c6 ba duong tiém
x—a* x—b~ x—ct

candingla x=a, x=b va x=c.

Vay tong s0 tiém cdn ngang va tiém can dimg cta do thi ham sé y = 4(x) 1a bon.
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2D1-BT40:Xac dinh Pwong Tiém Can cia PTHS. When the student is ready , the teacher will appear.

Cau20: Cho ham sé f(x)=ax’+bx*+cx+d c6 dd thi nhu hinh v& bén. Hoéi do thi ham sb
(x —3x+2)\/x 1

g(x)=
()1 ()]

¢6 bao nhiéu tiém can ding?

x=x¢€(0;1) o T o

(1) 5 trong d6 nghiém x =2 1a nghiém kép va x =x, 1a nghiém don.
X =
x=1

(2) < |x=x, €(1;2) trong d6 cc nghiém trén déu la nghiém don.
xX=x,>2

(x—l)(x—2). x—1 _ (x—l)(x—Z)\/x—l

x.f(x).[f(x)—1] azx.()c—xl)()c—2)2 (x=1)(x—x,)(x—x;)

B x—1

- x(x—xl)(x—Z)(x—xz)(x—x3) '

Dua trén diéu kién x >1 nén d6 thi ham s6 ¢6 3 duong tiém can dung la cac duong thang

Vay g(x)=

X=2,x=Xx,va x=Xx;.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

BAI 41: THAM SO M BAI TOAN VE TIEM CAN.

A.LY THUYET:
Bai toan :

Xac dinh tham so m dé do thi ham so co tiém cdn

1. Duodng thang x = X, UGC 201 12 veeeerrrrrrrrurunirereeeeeerees voreeeeeenes cua do thi ham sé y = f(x)
néu it nhat mot trong cac diéu kién sau duoc thoa man:
lim f(x)=..ccoeen. ;o lim f(x) =i ;
lim f(x) =i ;o lim f(X) =i

Chii y:

(] Thong thuong tai gid trj x, ham sO £ (X) woovvvveviiiiiiiiiiiiiie s
p(x)
q(x)

[ Théng thudng, néu f(x)= thi x=x, 1 ..o cua g(x)

St dung may tinh bé tui:

" Tinh lim f(x): f(x) CALC x,+10™ .Néu ERROR , thay bing 10 .
. Tinh lim f(x): f(x) CALC x,-10" .Néu ERROR , thay bing 10 .

2. Duong thang y = ¥, AUOC 201 12 veeeerrrrrrues vevvvrunneneeeaees cevvnves ous ctia do thi ham sé y = f(x)
néu it nhat mot trong cac diéu kién sau dugc thoa man:
m f(X) =i ;Im f(X) =i,
Chu y:

AN

~—~~
=

N—

(] Thong thuong, néu f(x)= , dé tim gidi han khi x — o0, ta dua s6 mil cao nhat cta tir va

mAu ra ngoai.
[l Luuy trong viéc dua x ra khoi f,

Sir dung may tinh b tii:

" Tinh lim f(x): f(x) CALC 10" .Néu ERROR , thay bang 10° .

"I Tinh lim f(x):[Nhap ham|f(x) CALC -10" .Néu ERROR , thay bang —10° .
3. Mt s6 do thi thwong gip:

PP ax+b . . d ... . a
[1 DO thi hamso y = c6 tiém can dung x =—— vatiém cén ngang y=— .
cx+d c c

ax+b

] Do thi han sé y =a™" c6 tiém can ngang y =0 va khong c6 tiém can ding.

_ Do thiham s6 y =log, (ax+b)co tiém can dung x = —— va khong co tiém cén ngang.
a
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

B. Vi DU MINH HQOA
~ . £ (m + 1) x+2 PP A 1A R . A N
Caul Cho ham so y = —l Do thi ham s6 nhan truc hoanh va truc tung lam tiém can ngang
x—n+
va tiém can dang. Tinh gia tri biéu thirc P=m+n.
A. P=0. B. P=2.
C. P=-1. D. P=1.
. +3 : o : 2 g Ly L v A
Cau2. Chohamso y= % Tim tat ca cac gia tri ctia tham s6 m dé do thi ham so6 chi c6 mot
x"—6x+m
tiém can ding va mot tiém can ngang?
A. -27. B. 9 hoac -27.
C.0. D. 9.
Cau 3. Tim tit ca cac gia tri ciia tham s6 m dé dd thi cua ham sb y== ¢6 hai tiém can
x°=3mx+1
dtrg va khoang cach gitra chiing bang 1.
A. m==1. B. -1<m«<l1.
C.m=1. D.m:ii.
NG
. o B (2m—n)x2+mx+1 R . . . A )
Cau 4. Bietdothihamso y= 5 nhén truc hoanh va truc tung lam hai tiém can. Tinh
i X +mx+n—06
gia tri bieu thuc m+n.
A. 2. B. 8.
C. -6. D. 9.
A . 22X P e mx3 - 2 , . N A N ,
Caus. Tim m dédo thihamsod y=—; c6 hai duong ti€ém can dang.
x =3x+2
1
A.m#2 vam#—.
4
B.m#lvam=2.
C.m=1.
D.m=0.
L L , . X g : +1 ..
Cau 6. Tim tat ca cac gia tri thuc ctia tham s6 m sao cho do6 thi ham so y = al ¢0 hai tiém can

Nmx® +1
ngang va khoang cach giira chiing bang 1.
A.O<m<4.
1
B. —<m<4.
4

C. m=

4
D.m=l
4
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Cau 7.

Cau 8.

Cau 9.

Céu 10.

A s £ R A 1 1s 9 2x — (m_l)x2+1 L3 C e . A
Tim tat ca tham s6 m dé d6 thi hamsd y = " c6 dung hai duong ti€ém can
x J—

ngang?
A.m=1.

B. me(1;4)U(4;+0).
C. m<1.
D. m>1.

£ o , 2 aA s Lx £ X— , R . A
Tim tat ca gia tri thyc ciia 7 d¢ do thi hamso y = T ¢0 3 duong tiém can.
X +m

A. m<0vam#-9.
B. m=0.
C. m>0.
D. m=0 hoac m=-9.

x—+x?+1

Tim tat cd cac gia tri cia tham s6 A dé ham so y = c6 tiém can ngang.

ax*+2
A. a<0. B. a>0.

C.a>0. D. a =1 hoac a=4.

C6 bao nhi€u gia tri thyc cua tham s6 a dé dd thi ham sd y=ax+~9x* +1 c6 tiém can ngang?
A. 0. B. 1.

C.2. D. V6 s0.
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C. BAI TAP TREN LOP

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

. , A . 4 + 3 . - A
Tim m dé tiém can dung cia d6 thi ham s6 y = x—l di qua diém A(S; 2) ?
xX+m-—

A.m=—-4. B. m=-1. C.m=6. D. m=4.

(m+1)x—5m

Tim m dé do thi ham s6 y = c6 tiém can ngang 1a duong thang y =1.

2x—m
A.m=2. B.ng. C. m=0. D. m=1.
4 . . 5 A A A . \ A 1 7 .
Tim tap hop tét ca céc gia tri thyc ctia tham s6 m d€ d6 thi ham s6 y = —————— ¢06 hai
mx~+4x+m
tiém can dung.
A. (—4;4) . B. (—4;4)\{0} . C. (—2;2)\{0} . D. (—2;2) .
4 . . 5 A A A . \ A 1 ) [N
Tim tap hop tét ca céac gia tri thuc ctia tham s6 m d€ do thi ham s6 y = — 3 co ba tiém
X’ =3x+m
can dung.
A (-2;2). B. (—o0;—2)U(2;+0). C. (—o0;—1)U(I;400). D. (=1;1).
RN P x+2 . A A
Tim tat ca gia tri cia m de€ do thi ham s6 y =—; c6 dang ba duong tiém can.
x —4x+m
A.m<4vam#-12. B.m>4.
C. m<4. D. m=-12 hoic m=4.
; - : X . +1 .
Tim tat ca cac gia tri thuc ctia tham so m sao cho do thi ham so f (x) =— al ¢0 hai tiém
x +mx+1
X x2 2
can dung la cac duong thang x =x, va x=x, sao cho 5 +=3>7.
Xy X
m>2 2<m<A/5 >+/5
A[ . B. 2<m<2. C. meds o [ mes
m<-=2 —\/§<m<—2 m<—\/§
Cho ham s6 y = —— - Ménh dé nao dudi day dang?
X —m
A. D0 thi ham s6 ludn c6 hai tiém can véi moi m .
B. Khi m > 0d5 thi ham sb c¢6 ba dudng tiém can.
C. Khi m < 0dd thi ham s6 c6 bén dudng tiém can.
D. Khi m # 0 d6 thi ham sb c6 bdn duong tiém can.
2x—1

Tap hop céc gia tri cia m dé do thi ham s6 y = c6 dang 1 duong

(mx2 —2x+1)(4x2 +4mx+1)

tiém can la

A. {0} B. (—oo;—l)u(l;+oo).
C.J. D. (—o0;=1) U {0} U(1;+00).
2
Tim tit ca cac gia tri thyc cia tham s6 m dé dd thi ciahamsb y = c6 tiém can dung.
xX—m
A..m=0. B. m=1. C.m=-1. D.m#0
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Céu 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Céiu 16.

Cau 17.

Cau 18.

(4a - b)x2 +ax+1

X +ax+b-12

Biét d6 thi ham s6 y= nhan truc hoanh va tryc tung lam hai ti¢m can thi gia

tricia a+b la

A. 2. B. 10. C. 15. D. -10.
3_
Tim tit ca cac gia tri thuc cua tham s6 m dé do thi ham sb y= 2mx3 3 ¢6 hai duong tiém
X =3x+
can dung.
1 1 1 1
A.m#{—;0¢. B. m#:0;,—;1 C.m#—;1¢. D.m=#40;,—;1
8 8 8 8
S U o oz xt+axl+b s ea ,
Bict d6 thi cia thi ham ham so y =(—2 khong c6 tiém céan ding. Tinh S =ab.
x—1
A. §S=2. B. S=-1. C.S=-2. D. S=1

xt+axdd +bx* + ¢

(x=1)

Biét d6 thi ham s6 y = khong c6 tiém can ding. Tinh gid tri ciia biéu thire

T=a+2b+3c.
A.T=§. B.Tzl. C.T=3. D.T=2.
3 3
Tim tat ca cac gia trj thuc cta tham sb m sao cho db thi ctia ham sb =x—+1 ¢6 hai

Jm® =Dx* +1
5

tiém can ngang va khoang cach giita chung bang4 .

B

A.m:iT. B.mzi\/g. C.m=i\/§. D.m:iT.
Tim tat ca cac gia tri cia m dé do thi ham s6 y = . o+l c6 ding hai duong tiém
(x +3x+2)(x+m)
can.
A. m<1. B. m>1. C.m=>1. D. m<1.
2x

Tim tat ca gia tri thuc ciia M dé dd thi ham s6 y = ——F——— ¢6 3 duodng tiém can.
3x—Amx?+1

A. m>0. B.0<m<9. C.0<m=#9. D. m>9.

1+vVx+1
Nx*—mx—3m
tiém can dung.

A. (O;ﬂ' B. (0;+0). C. Bﬂ D. (O;%j.

\/(m +2)x2 —3x-3m —|x|

Tim tap hop tat ca cac gia tri clia tham s6 M dé d6 thi ham sd y = c6 dung hai

Cho ham s y = c6 d6 thi (C) . Khi 7 thudc tap hop nio sau day

x—=2
thi d6 thi (C) c6 3 duong tiém can?
A. (-L2). B. (-2,0). C. (L;+0). D. (-3;-1).
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When the student is ready , the teacher will appear.

Cau 19. Phuong trinh dudng tiém can ngang cta d6 thi ham sé y = 2x+m —+4x* + x+1 (v6i m 1a tham
s0) 1a
4m+1 4m—1 2m+1 2m—1
A y= . B. y=——. C.y= . D.y=——.
y 4 y 4 y > y >
Cau 20.

Cho ham sb bac ba y = f(x) c6 do thi nhu hinh bén

YA
4

Y=

1
. . ¥ _1
Hoi d6 thi ham s6 y = — ¢6 bao nhiéu duong ti€ém can
S (x)=1(x)
A. 9. B. 8 C.7. D. 6.
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D. BAI TAP REN LUYEN

Cau 1.

Cau 2.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Tim tat ca cac gia tri thuc ctia tham s6 m dé do thi hamsé y = co tiém can dung di qua

mx —1
diem A(1;2).

A.m=-2. B. m=1. C.m=2. D.m=-1.

X s L J (2m+l)x+3 , . . e .2 e
D6 thi him so y = o duong tiém can di qua diém 4(—2;7) khi va chi khi

X+

A.m=3. B. m=1. C.m=-3. D. m=-1.

. L, 2 s S , £ 2 22 L L 4 mzx_4 L opia A .
Tim tat ca cac gia tri thuc cua tham s6 m dé do thi ham so y = . c6 tiém can ngang di

mx—

qua diém A4(L;4).
A.m=0. B. m=4. C.me{0;4}. D.me{O;—4}.

s Ar o o , £ P £ mx+1
Tim tat ca cac gia tri thuc ctia tham s0 m sao cho do thi cia ham s6 y = c6 hai duong

mx —
tiém can tao voi hai truc toa do mot hinh chir nhat c6 dién tich bﬁng 4.
+

A. m=+1. B. m=48. C.m=%2. D.m=_7l.

1

—————— c¢Obati¢m can
2x =3x"+m

Tim tat ca cac gia trj thuc cta tham sé m dé do thi ham sé y =
dung.

A. (—1;0). B. (—oo;—l)u(0;+oo). C. (0;1). D. (—oo;O)U(l;+oo).
1

(x—m)(x2 —2x+m) €0

Tim tap hop tit ca cac gi tri thuc ciia tham s m dé d6 thi ham sé y =

ba tiém can ding.
A. (—oo;l). B. (—oo;+oo)\{0;l}. C. (—1;1)\{0}. D. (—oo;l)\{O}.

Tim tap hop tit ca cac gid tri thuc ciia tham s m dé d6 thi ham sé y =

()C—Z)(x2 —2x+m2)
co6 dung hai tiém can dang.

A. {—1;1}. B. {—1;0;1}. C. {0;1}. D. [—1;1].

x+1

Tim tat ca cac gia trj thuc cta tham sb m dé d6 thi ham sé f (x) =— ¢6 hai
xX°+2mx+3m+4

tiém can dung.
A. -l<m<4. B. m >4 hoac m<-1.

C. m>4 hoic -5#m<-1. D. me{-5-1;4}.

x+1

Tim tit ca cac gia tri thuc cua tham s6 m dé do thi ham s6 y== c6 dung mot
xX°+2mx+3m+4
duong tiém can diung.

A. me{-1;4}. B. me(-1;4).

C. me(—oo;—1)U(4;+0). D. me{-5-1;4}.
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e T 2x—1 :
Cau 10. Tap hop céc gia tri m dé d6 thi ham y = 2x— c6 ding mdt duong tiém can la
4x" +4mx+1
A. [-11]. B. (—o0;—1)U(L;40). C. (—o0;—1]U[L;4e0). D. (-11).
Cau 11. Tim tit ca gi4 tri thuc cia tham s6 m dé do thi ham sé y=——— 1 c6 ding 3 dudng tiém
X" —mx+
can.
m>2 m>?2
m>2 —
{ B. 2<m<2. c.||”™ 2. D. m;té.
m<-2 5 2
m#——
2 m< -2

Cau12. Chohamsd y=——— . Gid tri cia m dédd thi ham sb c6 dung 3 tiém can la
X —m

A.m=0. B. m<0. C.m>0. D.meR.

x—1

Céu 13. Biét rang d6 thi ham s6 f(x) = c6 hai tiém can dimg x = x, vd x = x, sao cho

X +mx+n

X —Xx,=5 5

s s . Ménh dé nao sau day dung?
x; —x; =35

A.m+n=-1. B.m+n=-7. C.m+n=1. D.m+n=7.

Cau 14. Tim tap hop tit ca cac gia tri thuc ctia tham sb m dé d6 thi ham sb
x+1
(mx2 —x—l)(2x2 +mx+2)

A. {0} B. (—4;—%)u{0}. c. (_4;_%) D. [_4;_%}){0}

2x* +mx+1
2 2

y= c6 dang mat tiém can.

Cau 15. Chohamsb y= . Ménh d nao dudi day ding?

X —m
A. D0 thi ham s6 lu6n ¢6 ba ti€ém can voi moim .
B. Khi m > 046 thi ham s6 c6 hai duong ti€ém cén.
C. Khi m < 0d06 thi ham s6 khong c6 tiém can.

D. Khi m # 0 d6 thi ham sb c¢6 ba duong tiém can.

2
~ N Y ) £ 2 aX L A x +1 4 U
Cau 16. Tim tat ca cac gia tri thuc cua tham s6 m d€ do thi ham s6 y = —————— ¢06 dling mot tiém
2x“+mx+2
can dang?
A.m=+44. B. 4<m<4. C.m=>4. D.m<—-4.

X +2

Céu17. Chohamsé y= c6 dd thi1a (C), v6i m 1a tham sb thuc. Khing dinh nao

x> =2mx+m’ -1
sau day la sai

A. (C) c6 tiém can ngang la y=1.

B. (C ) ludn c6 hai tiém can dimg va khoang cach giita ching bang 2.

C. Ton tai m dé (C) khong co tiém céan dung

D. (C) ludn c6 ba duong tiém can.
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Cau 18.

Cau 19.

Céu 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

X +ax* +bx+c

Biét d6 thi ham s6 y = 2 khong c6 tiém can dimg. Tinh S =b+c.
x=2
A. §=9. B. S=4. C.S=1. D.S=7.
Tim tap hop tat ca cac gia tri thuc cia tham s6 m dé do thi ham sé y = xz——3 c6 dang ba
X +m

duong tiém can.
A. (0;+00). B. (—o0;0]\{-9}. C. {-9;0}. D. (—0;0)\{-9}.

x+1-+/x*+3x

x2+(m+1)x m—2

m=>1
m<-=-2 m>1
A. B. C.meR D.{\m<=2
m=#3 m<-=2

Vi gia tri nao cia m dé do thi ham so6 y = c6 ding hai duong tiém can?

m#-3

, 2x— (m - 2))(2 +3 ) . Lo .
Cho ham so y = " (vo1 m 1a tham s6). Tim m dé do thi ham so6 c6 ding 2
x_

duong tiém can.
A.m>2. B. m=2 hoic m=3. C. m=2. D. m>2.

N3x+1+ax+b

—
(x-1)

A, S=-2. B. S=2. C.S=1—5. D.S=—1—5

16 16
Vix+1+ax+b

(x-3)°

Biét rang d6 thi ham s6 y = khéng co tiém can dung. Tinh S = ab.

Biét d6 thi ham s6 y = khong cé tiém can ding. Tinh S =a+2b.

A 5= B.S=2. C.5=-2 D.s=—2

4 8 8 8
Biét d6 thi ham s6 y = 4x(+1 +;zx+b khong c6 tiém can diung. Khi d6 @ —b bang

x=2
Al B. . c. 2. D. 1.
2 3
3x—/mx’ +2
Tim tat ca cac gia tri thyc ctia tham s6 7 dé do thi ham s6 f ( ) % c6 hai duong
X+

tiém can ngang.
A. m>0. B.0<m<9. C.0<m<3. D.0O<m=9.

mx+7—4x+3

(x-1)
co tiém can dang:

A. {1 B. {1}. C.a. D. {-1;1}.

Tim tap hop tat ca cac gi tri cuia tham s6 7 sao cho dd thi ham s y= ong

Tim tap hop tit ca cac gia tri cta tham s& M sao cho d6 thi ham s
x+2

y= c6 hai tiém can ngang?
\/m)c2 +1 -i-\/(l—m)x2 +1

0988323371 | Bién soan va suu tim: T6 Qubc An



2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

Cau 28.

Céu 29.

Céau 30.

Cau 31.

Cau 32.

Cau 33.

A. m>0. B. m<1. C. 0<m<I. D. 0<m<]1.
. L . 1+vx+1
Co bao nhiéu gia tri nguyén cua tham s6 7 dé do thi hamso y = al c6 hai

\/xz —(l—m)x+2m
tiém can dung?
A. 0. B. 2. C. 3. D. 1.
Tim gi tri cua tham s6 m sao cho dd thi ham s y = 2x++mx® —x+1+1 co tiém c4n ngang
A.m=4. B. m=—4. C.m=2. D. m=-2.
Tim tit ca cac gia tri thuc cua tham s6 m dé do thi ham s6 f (x) =mVx’ +x+1+x cotiém

can ngang.
A.m=#=l. B. m=+1. C.O0<m=1. D. -1#m<0.

Tim tat ca cac gia tri ciia tham sé m dé d6 thi ciia ham s6 y = \/x2 —mx+1 —\/x2 +mx+1 co
hai tiém can ngang va khoang cach gitta ching bang 4.
A. m=+l1. B. 2<m<2. C.m==%2. D. -l<m<l1.

Tim tit ca cac gia tri thuc cua tham s6 m sao cho dd thi ciia ham s6 y=x—~mx>+1 co tiém
can ngang.
A.m=>1. B. 0<m«<1. C.m=0. D. m=1.

Tim tat ca cac gia tri thuc cua tham sb m sao cho do thi ciia ham sd y= 2mx—3x* +1 ¢o

B

D.m=+——.
2

tiém can ngang.

2 V3

A.m=—. B.m=—. C.m=%

NE) 2

£l
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BAI 41: THAM SO M BAI TOAN VE TIEM CAN.

A.LY THUYET:
Bai toan :

Xac dinh tham so m dé do thi ham so co tiem can

1. Puong thing x = x, dugc goi la dwdng tiém cin dirng cua d6 thi ham s6 y = f (x) néu it nhat mot
trong cac diéu kién sau duoc thoa man:
lim f(x) =+o0; lim f(x)=—o0;
X—>Xg X—>Xg

lim f(x) =+o0; lim f(x)=-o0

Chu y:
e Thong thuong tai gia tri x, ham sO f (x) khong xac dinh.
p(x)

( ) thi x =x, 1a nghiém cua ¢q (x) nhung khong la nghiém cua p(x)
q(x

e Thong thuong, néu f(x)=
Str dung may tinh bé tii:

e Tinh lim f(x): f(x) CALC x,+10" . Néu ERROR, thay bang 10 .

e Tinh lim f(x): f(x) CALC x,-10"? . Néu ERROR , thay bang 107 .

2. Duong thing y = ¥, dugc goi la dwong tiém cin ngang cua dd thi ham s6 y = f(x) néu it nhat
mot trong cac diéu kién sau duoc thoa man:
lim 7(x) = yy; lim 7(x) = y,
Chu y:
p(x)

q(x)

, dé tim gidi han khi x — 400, ta dua sO mil cao nhat cta tir va

e Thong thuong, néu f(x)=

mau ra ngoai.

e Luuy trong viéc dua x ra khoi J , | .
St dung may tinh bé tui:

e Tinh lim f(x): f(x) CALC 10" .Néu ERROR , thay bing 10° .

e Tinh lim f(x):[Nhap ham|f(x) CALC -10" .Néu ERROR , thay bang —10° .
3. Mt s6 do thi thwong gip:

A s bAoA ax+b ... d .. .. . a
e Do6thihamso y= c6 tiém can dung x =—— va tiém cén ngang y=— .
cx+d c c

A 1N A b SR A \ A 7oA A a
e DO thihanso y=a™" c6 tiém can ngang y =0 va khong c6 tiém can ding.

A © 1N A 7oyt A A ’ b \ A 7ot A A
e Do thihamso y=log, (ax+b) c6 tiém can dung x = —— va khong c6 ti¢m cédn ngang.
a
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B. Vi DU MINH HQOA
" \ £ (m + 1) x+2 LA \ \ A A
Caul. Chohamso y= IR Do thi ham s6 nhan tryc hoanh va tryc tung lam tiém can ngang
x—n+
va tiém can dang. Tinh gia tri biéu thitc P=m+n.
A. P=0. B. P=2. C.P=-1. D. P=1.

Cau 2.

Cau 3.

Loi gidi
Chen A

Do thi ham s0 c6 tiém can ngang y =m+1 va tiém can ding x=n—1.

Do d6, d6 thi ham s nhan truc tung va truc hoanh lam tiém can khi va chi khi

{m+1=0 {mz—l
= =>m+n=0.

n—-1=0 n=1
\ £ x+3 s A 2 g g £ 2 AA ot Lx £ 10 s oA
Cho ham s6 y=—; . Tim tat ca cac gia tri cua tham so m d€ do thi ham s6 chi c6 mot
X —6x+m
tiém can dung va mot tiém can ngang?
A. -27. B. 9 hoac -27. C.0. D. 9.

Loi giai
Chon B

+ lim y = lim y =0 = y =014 tiém cAn ngang cua do thi ham so.

X—>+0 X—>—0
+ D0 thi ham sb chi c6 mot duong tiém can dung
& phuong trinh x* —6x+m =0 c6 nghiém kép hodc co 2 nghiém phan biét trong d6 c6 mot
ngi¢m bang -3

m=9
| [A=9-m>0 @[m=92.
=-27
(37 -6(=3)+m=0

Tim tat ca cac gia tri cua tham s6 m dé€ do thi cia ham s6 y =—; ¢6 hai tiém can
x =3mx+1
ding va khoang céach gitra chung bang 1.

NG

A. m==1. B. -1<m<l1. C.m=1. D.mzi?.

Loi giai
Chon'D

Do thi ham s6 da cho c6 2 dudng tiém cén dimg khi phuong trinh x* —=3mx+1=0 (1) c¢ hai

A=9m*—4>0 m><

R R 5
0°+3m0+1#0

nghiém phan biét khic 0 < {
m<-—=

Goi x;,x, 1a hai nghiém phan biét cta (1) thi hai duong tiém can ding cia dd thi ham sé 1a
x=x, va x=x, nén khoang cach gitra hai duong ti¢m can ding bang 1.

5

<:>|x2—xl|=1<:>(x1+x2)2—4x1x2 =1 ©9Im’-4=1 <:>m=J_rT
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Cau 4.

Cau 5.

Cau 6.

(Zm—n)x2 +mx+1

Biét d6 thi ham s6 y= > nhan tryc hoanh va tryc tung lam hai ti€ém cén. Tinh
X +mx+n—6
gia tri bieu thuc m+n.

A. 2. B. 8. C. 6. D. 9.

Loi giai
) (2m—n)x2+mx+1
lim >
xoke T +mx+n—6
2m—-n=0 .

=2m—n, d0 thi ham s6 nhén truc hoanh lam tiém can ngang nén

Do db thi ham s nhén truc tung x =0 lam tiém can nén x =0 la nghiém cua
X 4+mx+n—6=0nén n=6=>m=3=>m+n=9.

Tim m dé do thi hamsb y = ¢6 hai dudng tiém can dimg.

X =3x+
A.m¢2vém¢%. B.m#lvam=#2. C. m#1. D. m#0.
Loi giai

x2=3x+2=0<x=1 hoic x=2 .

Pé hai duong thang x =1 va x =2 1a dudng tiém can cta dd thi ham s thi x=1 va x=2
khong 14 nghiém cua tir s6 mx® =2 . Tuc 1a

{m—2¢0 m#2

, = 1.
m2 —=2#0 m;tZ

x+1

mx? +1

Tim tat ca cac gia tri thuc cua tham s6 m sao cho do6 thi ham so y = ¢0 hai tiém céan

ngang va khoang cach giita chiing bang 1.

A.0<m<4. B.%<m<4. C.m=4 D.mzi
Loi giai
D@ thay rang khi m <0 thi d6 thi ham s6 khong thé co tiém can ngang.
Khi m >0 taco
1 1
lim — 1 fim e va lim— _ Jim RIS
X_Hoo\/mXZ'i‘l X—>+00 1 \/E X—>—00 /mx2+1 X—>—00 1 \/;
m+72 — m+?
X
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Cau 7.

Cau 8.

A g : . . 1 1
Nhu vay do thi ham s6 da cho c6 hai duong tiém can ngang la y = T va y=———.
m

Jm

Do khoang cach gitta hai duong tiém cén la 1 nén

i‘:1<:>m=4.

Im

. . o . 2x— (m—l)x2+1
Tim tat ca tham s6 m dé do thi ham so y =

c6 dang hai duong ti€ém can

x—1
ngang?
A.m=1. B. me(l;4)u(4;+oo).
C. m<1. D. m>1.
Loi giai

D0 thi ham s6 ¢6 2 dudng tiém can ngang khi va chi khi lim £ (x) va lim f(x) hitu han.

X—>+00 X—>—0

Pé ham sb xac dinh trén (—o0s400) thi m—120m=>1 .

2x —J(m—-1)x*+1 ; . .
lim ( 1) =2—-+/m—1 nén d6 thi ham s6 nhén duong thang y=2—-+m—1 lam
x—

X—>+00

tiém can ngang.

2x—,/(m—1)x* +1 \ . ,
lim ( ) =2++/m—1 nén d6 thi ham s0 nhan dudng thang y=2++m—1 lam

X400 x—1

tiém can ngang.

Pé dd thi ham sb c6 hai tiém can ngang thi 2—+m—-1#2+\Jm-1<Vm-1#20m=1 .

Vay m>1 .
R T 5 2 A is 1oa £ x-3 . R A A
Tim tat ca gia tri thyc ciia M de do thi ham s0 y = ——= c6 3 duong tiém cén.
VX +m
A. m<0vam#-9. B. m=0.
C. m>0. D. m=0 hoac m=-9.
Loi giai
13 123

+ lim y = lim —== ——X_=-1= p=+1 1ahai duong tiém cin ngang
X—>+00 X—>+00 m xX—>—0 xX—>—0 m
- /1+—2
X

cua do thi ham so.
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A s s £ x—3 . R ‘A A
+ d0 thi ham s0 y = ——=—= c6 3 duong tiém can
X +m
T £ x—3 L 4 N R . A as
<d06 thi ham s6 y = = ¢ ding mot duong tiém can ding
X +m

&phuong trinh x* + m =0 c6 ding mdt nghiém kép khac 3

m=0

hay c6 2 nghiém trong d6 1 nghiém =3 va nghiém khac 3 <:{ 9"
m=—

2
A s A o i e 21 3 A x4+l A A
Cau 9. Tim tat cd cc gia tri cua tham s6 d dé hams6 y = XZNX P 6 tiém can ngang.

ax®+2
A. a<0. B. a>0. C.a>0. D. a =1 hoac a=4.
Loi giai
° Dé ham sb xéac dinh trén ( —00; + ) ia=>0.
el ( _Jx )(x+\/x T )
° lim MY "1 _ = lim =
= Jax® +2 = Jax +2 (x+\/x +1)
— lim -1 . = lim - =0

X—>+0 2 2 X—>+0
(x+\/x +1)\/ax +2 xz(“_ /1"'12] a+%
X X

Cau 10. Co6 bao nhiéu gia tri thuc cia tham s6 a dé o thi ham sb y=ax++9x* +1 co tiém can ngang?
A. 0. B. 1. C.2. D. V6 sb.
Loi giai

2—9)x2 -1
=ax+V9x* +1 :(a—‘
g ax—+9x* +1

A A L, 2 a=3
Yéu caubaitoan ©a” -9=0 < 3
a=-—
Véi a=3 :y—_—l- lim y = lim -1 =0
3x—A9x? 1 T o ( | 1J '
x| 3+,[9+—
X
Vé’ia——3:>y—_—1' lim y = lim -l =0
_3x_ [9x2+l ’ X—>+0 X—>+00 1 ’
-3—,9+—~
X

Vay co 2 giatri a dé ham dd thi ham s6 da cho c6 tiém can ngang.
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C. BAI TAP TREN LOP

Cau 1.

Cau 2.

Cau 3.

Cau 4.

\ . 2 . 14 + 3 . <R
Tim m d& tiém can dtng cia dd thi ham sé y=—> di qua diém 4 (5:2)?

x+m-—1
A. m=—4. B. m=-1. C.m=6. D. m=4.
Loi giai

A 1s1a A x+3 e A s e .
Do thi ham s y = — ¢6 tiém can dung la duong thang x =—-m+1.
X+m-—

Yéu ciu bai toan <> —m+1=5<m=—4.

. X AN 1ep s A (m+1)x_5m LA A . \ 2

Tim m dé do thi ham so y=2— c6 tiém can ngang la duong thang y =1.
xX—m
A.-m=2. B.ng. C. m=0. D. m=1.
Loi giai

TR (m+l)x_5m A A P 2 m+1

Do thi ham so y=2— ¢6 tiém can ngang la duong thang sz.
xX—m

~ A .. , m+1
Yéu cau bai toan @Tzlcmzl.

A 5 ) [ . 5 A A 2A c 1 A 1 r .
Tim tap hop tat ca cac gia tri thuc cua tham s6 m d€ d6 thi ham s6 y =—————— c0 hai
mx~+4x+m

tiém can dung.
A. (—4;4). B. (—4;4)\{0}. C. (-2;2)\{0}. D. (-2;2).
Loi giai
Chon C.
Dé d6 thi ham s6 c6 hai tiém can dung thi phuong trinh mx® +4x+m =0 c6 hai nghiém phan
biét

{A=16—4m2>0 {—2<m<2
= =

m#=0 m#=0

1

Tim tap hop tat ca céc gia tri thuc cua tham s6 m dé do thi ham s y=———-—— cobati¢ém
x =3x+m

can ding.

A. (-22). B. (—o0;-2)U(2;+0). C. (=05 —1)U(L;40). D. (-11).

Loi giai
Chen A

Dé dd thi ham s6 c6 ba tiém can ding thi phuong trinh x* —3x+m =0 c6 ba nghiém phén biét.
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Phuong trinh x* =3x+m=0< x* —3x=-m.
Xét ham sd f(x)=x3—3x :>f’(x)=3x2—3
f(x)=0=x=%1

Duya vao BBT dé phuong trinh c¢6 ba nghiém phéan biét thi 2<-m <2< 2<m<2

CauS. Timtat ca gia tri cia m d€ do thi ham s6 y =—; x: c6 dung ba duong ti€ém can.
x —4x+m
A. m<4 vam=#-12. B.m>4.
C. m<4. D. m=-12 hoac m=4.
Loi giai
Cach1:
1 2
x+2 ) ) .
+ limy= lim ——— = lim XY X __—(0= y=0 latiém can ngang cua do thi ham so.
X—>F0 xox0 x° —4x+m X*}iool 4
X X
PN £ x+2 L 4 \ A A
+d6 thi ham s6 y =—; c6 dung ba dudng ti€ém can
x —4x+m
A s £ x+2 L i C A A,
< d6 thi ham s6 y =—; c6 dung hai duong tiém can dung
x —4x+m
< x* —4x+m=0 c6 hai nghiém phan biét khac —2.
AN=4-m>0 m<4
5 o .
(2) —4(-2)+m=0  |m#-12

Cach2:
Ta thay lim f(x) =0 nén do thi ham s6 c6 1 tiém can ngang y =0

x—>too

D0 thi ham s ¢6 3 tiém can < x> —4x+m =0 c6 hai nghiém phan biét khac -2

S-12#m<4.

4-m>0 m<4a
m#—12

(—2) —4.(-2)+m=0 =

A \ L, . cy o , £ A 1c L Je x+1 , N
Cau 6. Tim tat ca cac gia tri thyc ctiia tham so m sao cho do thi ham so f (x) =————— c0 hai tiém
X +mx+1
X2 X
cén dung la cac duong thang x =x, va x =X, sao cho S +—=%>7.
X X
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Cau 7.

A[m>2 2<m<A/5 b m>+l5

B. 2<m<2. C. . . )
—\/§<m<—2 m<—\/§

Loi giai

m<-2"

Pé dd thi ham s6 c6 hai tiém can dung la cac duong thang x = X, va x=1x, thi phuong trinh

x* +mx+1=0 c6 hai nghiém phan bi¢t x,,x, khac —1. Ttc la

2
{Tm:—ij&(()) S me (—oo;—2)u(2;+oo) (*)
o ) {xl +x,=-m
Theo dinh li Viet ta co
xx, =1

2
2 2.2
XX X xd ((x1+x2) —2x1x2) =2x,x,
Taco S+=5>To—>7T< o >7
X X XXy X Xy

& (m=2) >9& (m* +1)(m*=5)>0
& me (o035 ) U (V5340 (thod diéu kien (*))

Cho ham s y = ﬁ . Ménh dé nao dudi day dung?
A. D) thi ham sb ludn c6 hai tiém can véi moi m .

B. Khi m > 0d5 thi ham sb c¢6 ba dudng tiém can.

C. Khi m < 0dd thi ham s6 c6 bén dudng tiém can.

D. Khi m # 0 d6 thi ham sb c6 bdn duong tiém can.

Loi giai
Chon A.

L . X
Taco: limy=lim ———==0;Vm.
x—>too X310 7 —m

Suy ra dudng thing y =0 1a tiém can ngang ctia dd thi ham sb.

Khi m =0 phuong trinh x* —m* =0 x> =0 x =0 do d6 d6 thi ham s6 c6 mot dudng tiém
dung va lac nay do thi ham sb c¢6 hai duong tiém can.

Khi m # 0 phuong trinh x* —m’ =0 < (x—m)(x> —xm+m’) =0 x=m
2 2 l 2 3 2
do x”—xm+m =(x+§m) +Zm >0Vm =0

do d6 do thi ham s6 ¢6 mot duong tiém cén ding nén do6 thi ham so6 ¢6 hai duong tiém can.
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Cau 8.

Céu 10.

Vay d6 thi ham so ludn c6 hai tiém cén voi moi m.

2x—1
(mx2 —2x+1)(4x2 +4mx+l)

Tap hop cac gié tri cuia m dé dd thi ham s6 y = ¢6 dung 1 dudng

tiém can la

A. {0} B. (—oo;—l)u(l;+oo).
C.J. D. (—o0;—1)U{0} U (1;+00).
Loi giai

Chon A
2x—1

lim =0 nén do thi ham s6 c¢6 1 tiém can ngang y=0.
x—’i‘”(mxz —-2x+ 1)(4)62 +4mx + 1)

Pé y =0 la tiém can ngang duy nhit xay ra hai diéu kién sau:

e m=0=>y=— nén ham s ¢o6 1 tiém can ngang y =0.

X"+
e m#0,hai phuong trinh mx*> —2x+1=0 va 4x* + 4mx +1=0vd nghiém

1-m<0 m>1 Vo 19)
& & 0 1y).
4m* —-4<0 -l<m<l1 Y
Vay m=0. i
Chu y: Ta c6 thé déc bi¢t hoa

nén ham so cd 1 tiém can ngang y =0.

2+3

e m=2 dd thi co tiém can ngang y =0, tiém can dung x = 5 .

e m=0=y=
Y 4x% +1

2

Tim tat ca cac gia tri thuc cua tham s6 m dé do thi cia ham so y = c6 tiém can dung.

xX—m
A..m=0. B. m=1. C.m=-1. D.m#0

Loi giai
Néu m # 0 thi dd thi ham s6 c6 TCD 1a x=m..

2
z 1 X p <3N A ~ .
Néu m =0 thi ham s6 ¢6 dang y =— nén do thi ham s6 khong c6 TCD.
by

(4a—b)x’+ax+1

Biét d6 thi ham s6 y =-—
X +ax+b-12

nhan truc hoanh va tryc tung lam hai ti¢m can thi gia

tricia a+b la
A. 2. B. 10. C. 15. D. -10.

Loi giai
Chon C

+ D) thi ham sb nhan truc hoanh 14 tiém can ngang =>4a—-b= 0(1)
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+ D6 thi ham sd nhan truc tung la tiém can ding = b—-12= 0(2).

4a-b=0 a=3
Tu (1) va (2) suy ra = =a+b=15.
b=12 b=12
n \ Ay 2 g ey 5 £ 2 4A s Ly £ mx’ —1 , . \ n
Cau 11. Tim tat ca cac gia tri thyc ctia tham s6 m dé do thi ham s6 y =— a0 c6 hai duong tiém
X —=3x+

can dung.
1 1 1 1
A.m#{—;0;. B. m#:0;—;1 C. m#—;1¢. D. m#:0;—;1
8 8 8 8

Loi gidi
Chon C

U oo . x#1
Piéu kién xac dinh cia ham s6 x* —3x+2#0 @{ 5
X #

Nhu véy hai dudng tiém can ding néu c6 chi c6 thé 1 hai duong thing x=1, x=2.

Dé d6 thi ham sb nhan hai duong thing x =1 va x =2 lam tiém c4n dung thi 1 va 2 khong phai

m—1%0 m#l
1

1a nghiém ctia phuwong trinh mx® —1=0; diéu nay tuong duong =
8m—-1#0 m# 3

4 2
Cau 12. Biét dd thi cua thi ham ham sb y= ijb khong c6 tiém can dung. Tinh S =ab.
x—1
A.S=2. B. S=-1. C.S=-2. D. S=1
Loi giai

Chen C.

Tir gia thiét ta co thé phan tich x* +ax® +b =(x—1)(x—1)A(x)
Thuce hién phép chia ta thtic ta co:

xtrad +b=(x-1)(xX +x* +(@+Dx+a+1)+a+b+1;

© (@ Dx+a+l=(x—1)(x" +2x+b+3)+2a+4

Pé db thi ham sb da cho khong co tiém cén ding thi phan du cia hai phép chia trén phai bang
0.

=S=ab=-2.

a+b+1=0 a=-2
Do do ta c6 hé phuong trinh &
2a+4=0 b=1
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4 3 2
" A aX e A X' +ax +bx"+c . . a A s, , e S
Cau 13. Bictdo thi hamso y = khong c6 tiém can dung. Tinh gia tri cua biéu thtc

(x-1)

T=a+2b+3c.
A.ng. B.Tz%. C.T=3. D.T=2.

Tap xac dinh D = R\{l} .

bat f(x)=x"+ax’ +bx’ +¢ =()c—1)3 g(x).
f’(x) =4x" +3ax’ +2bx ; f"(x) =12x" +6ax+2b.
Tur gid thiét, ta co

8
f(1)=0 a+b+c=-1 a=_§
f'(1)=0. =<3a+2b=-4 <<b=2
f"(]):o 6a+2b=-12 C:_l
3
Vay T:a+2b+3c:%.
CAau 14. Tim tit ca cac gia tri thuc cua tham s6 msao cho db thi cua ham sb y:x—+1 ¢0 hai

Jm* =Dx* +1
NEl
>

tiém can ngang va khoang cach giita chung bing4 .

J3

Am=t=, B. m=+/5. C. m=+3. D.m=4
Loi giai

Diéu kién: (m* —1)x* +1>0.

1 Néu m =+1 thi ham s6 tré thanh y = x+1 khong c6 tiém cén ngang.

-1 1

" Néu m*—1<0< —1<m<]1 thi ham s6 xac dinh < <x<

2 2

1-m 1-m

Do d6, lim y khong ton tai nén do thi ham so khong c6 tiém can ngang.
x—too

, m>1 ,
[J Néu m2—1>0<:>{ thi ham so xac dinh véimoi xeR.

m<-—1
1
I+—
lim y = lim —L — Jim x 1
X—>+00 X—>+00 mx2+1 X—>+0 ) 1 \/7112—1
m —=14+—
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Cau 15.

Cau 16.

Suy ra duong thang y = 1a tiém can ngang cta do thi ham s6 khi x — +o0.

1
m? =1

1+l
1imy=1im+12=hm x -7 1 .
Jm® =1)x" +1 —\/m2—1+12 m-—1
X

Suy ra duong thang y =— 1a tiém cén ngang ctia d6 thi ham s6 khi x — —0.

m* -1

Luc do khoang cach gitra hai duong tiém can la:

m* -1
Theo gia thiét ta c6 phuong trinh:
2 =4 \m’ - =l<:>m2—1=l<:>m2=§<:>m=i£.
m*—1 2 4 4 2

A < A ‘A A A 5 5 ~ A A AN
Doi chicu diéu kién vay m = iT thoa man yéu cau dé bai.

Vx+1

Tim tat ca cac gia tri cia m dé do thi ham so y = c6 dung hai duong tiém

(xz +3x+2)(x+m)
can.
A. m<l1. B. m>1. C.m=>1. D. m<1.
Loi giai
Chon C
, Vx+1 Vx+1 1
Taco y= = -

(x2 +3x+2)(x+m) C (x+1)(x+2)(x+m) (x+2)(x+m)\/x+l

Diéu kién xac dinh cua vx+1 1a x>-1 .
1 \ 1
li =0, khong ton tai li
: xgg’(x+2)(x+m)x/x+1 ongtontal xgg’(x+2)(x+m)\/x+1

1 tiém can ngang la y=0 .

nén ham so chi co

e Maus6 c6 nghiém x =—1,x =-2,x =—m khong la nghiém cua tir so.
e  Vay dé do thi ham so c6 dung hai tiém can thi hai tiém can do6 la ti€ém cén ngang y =0 va
tiém can dung x =—1 . Dicu nay xay ra khi va chikhi -2<-1va -m<-1 &m>1.

, . . 2x
Tim tat ca gia tri thyc ciia M dé do thi ham s0 y = —————= ¢6 3 duong tiém can.
3x—mx* +1
A. m>0. B.0<m<9. C.0<m=9. D. m>9.
Loi giai

https://www.facebook.com/toanthayan | 0988323371



Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

2x 2x(3x+\/mx2+1)

3x—Jmx® +1 (9-m)x* -1
Do thi ham 6 ¢6 3 duong tiém can = dd thi ham sb co duong tiém can ngang va tiém can

Ty

) mz=0
dimg= .
m<9
+THI1: m=0, y=32x1 dd thi ham sb ¢6 hai duong tiém can x=% va y=§,kh6ngthéa
x—
man.
m>0 . 6-2\Nm . 6+2\m 6+2m
+TH2: , hmy:—f, hmy:—f :>y:—\/7 1a hai duong tiém can
m<9 xoo O—m X——0 -m 9O—m
ngang ctia d6 thi ham sb.
1
(9—m)x2—1=0<:>x=i
9—m
: : 1 1 . \ :
lim y=+400, Ilim y=—=x= la tiém can dang cua do thi ham so.
xa(LT xa(;lji 2 9—m
9—m 9—m

Viay 0<m <9 thi do thi ham s6 c6 ba duong tiém can.

1++/x+1
2
\NxT—=mx—3m
tiém can dung.

A. (O;ﬂ. B. (0;+0). C. Bﬂ D. [O;%j.

Loi giai

Cau 17. Tim tap hop tit ca cac gia tri cua tham s M dé db thi ham sb y= c6 dang hai

TXD: D=[-1;+).

2
Taco Vx' —mx—3m =0 < x* —mx—3m=0(1) & x* =m(x+3) < x3=m
X+
YBCT<>(1) ¢6 2 nghiém phan biét 1on hon hodc bang —1
2
X 2
pat f(x)= 5i x e[—1;400). Taco f(y)= X 10X .
)= vt wel ) Taco () (x+3)
Khi do f’(x)=0<:>x2+6x:0<:> x=0 .
x=-6¢[-1;+x)
Béng bién thién
-1 0 400

y' - 0 +

1 +00
yz\ /
0
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

Tir bang bién thién, ta c6: YCBT < 0 < m < % .

\/(m +2)x2 —3x-3m —|x|

Cau 18. Cho ham s6 y= c6 6 thi (C ) . Khi m thudc tap hop nao sau day

x—=2
thi d6 thi (C) ¢6 3 duong tiém can?
A. (-12). B. (-20). C. (1;+0). D. (-3;-1).

Loi giai

+ D6 thi ham s6 p =

2 _ _ _
\/(’" +2)x" ~3x~3m —|x] ¢6 ba duong tiém cin = c¢6 mot dudng tiém

x—=2
can dang va hai duong tiém can ngang >m+2>0< m > -2
Tk 1i (m+1)x2—3x—3m m+1
im y = lim = ,
i H+°°(x—2)(\/(m+2)x2—3x—3m +\/x—2) Jm+2+1
(m+1)x* =3x—3m m+1

lim y = lim =

o wa(x—Z)(\/(m+2)x2—3x—3m +\/x72) _\/m+2+l'

D6 thi ham sb ¢6 hai duong tiém can ngang < m+120 m=—1.

(m+1).22—3.2—3m¢0 {m;tz
=

(m+2).22—3.2—3m20 mz-2

Do thi ham s6 c6 duong tiém can dimg x=2 < {

m=—1
ycbt < sm#2
m=>-2

Cau 19. Phuong trinh dudng tiém can ngang cta d6 thi ham sé y = 2x +m —+/4x* +x+1 (v6i m 1a tham
s0) 1a

A,y

dm+1 4m -1 2m+1 2m—1
= . B.y=—""—. C.y= . D.y=—"—.
4 Y=y YT YT
Loi gidi
Chon B.

Ta co:

(2x+m)2—(4x2+x+1) (4m—1)x+m2—1
. lim(2x+m—\/4x2+x+1) — lim — lim
o R O m+Axt +x+1 x"*°°2x+m+\/4x2+x+1

2_
o (4me1)e” 1 4m—1
= A T 4
2+m+\/4++2
X X X

. 1 1
. lim(2x+m—\/4x2+x+l): llm(2x+m+x/4+—+—2J
X—>—© X——00 X X
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

= limx[2+ﬂ+ /4+l+i2j:—oo
X—>—00 X X X

Suy ra d6 thi ham s6 c6 mot dudng tiém can ngang 1a y = # .
Cau 20. Cho ham sé bac ba y = f(x) c6 do thi nhu hinh bén
v A
4
-
- -
. ; ¥ _1
Ho1 d6 thi ham $6 y = ——-———— ¢6 bao nhiéu duong tiém can
/(%)= (x)

A.9. B. 8. C.7. D. 6.

Loi giai
Chon C.

Taco lim f(x)zir

x—>Foo

Q |~

,(a#0) =2 tiém can ngang

(x=a<-1
£(x)= x=1((x-1)" =0)

Talaico f7(x)-f(x)=0e]| f(x)=1 < x=b<-1

f(x ~ x=ce(0;1)
x=d>1
| x=e<-1

Suyraco 5 duongtiémcandung la x=a,x=L,x=b,x=d,x=e

loai x=c vi x®-1<0
Vay c6 7 dudng tiém can.
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

D. BAI TAP REN LUYEN

A . Ao o e 5 e 24X Ll 1 ) mx+4
Caul. Tim tatca cac gia tri thyc ciia tham so m d¢ d6 thi hamsé y =
mx—

c6 tiém can ding di qua

diem 4(1;2).
A.m=-2. B. m=1. C.m=2. D. m=-1.

Loi giai
Dé duong tiém can dung di qua diém 4 (1; 2) thi duong ti€ém can dung la x=1.
Do d6 x =1 la nghiém ciia mau.

Vay m=1.

A s (@m+Dx+3 4 o
Cau 2. DO thi ham so y=—1 c6 duong tiém can di qua diém A(—2;7) khi va chi khi
X+
A.m=3. B. m=1. C.m=-3. D. m=-1.

Loi giai
Chon A

D6 thi ham sb ¢6 tiém can ngang y =2m+1 va ti€ém cén ding x=-1.

DE tiém can di qua diem A4(-2;7) thi 2m+1=7 < m=3.

2

A \ X . ey e , 4 A 3A P % m x
Cau 3. Tim tatca céac gia tri thuc ciia tham s6 m d€ d6 thi hamsé y = "
mx —

c6 tiém can ngang di
qua diém A(1;4).
A.m=0. B.m=4. C. me{0;4}. D. me{0;—4}.
Loi giai
Chon B.

Dé duong tiém can ngang di qua diém 4 (1; 4) thi duong ti€ém can ngang la y=4.

Taco limy=m.Doddé m=4.

x—>to0
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT41:Tiém cAn chira tham sb.

Cau 4.

Cau 5.

N T , £ X Lt o x £ mx+1
Tim tat ca cac gia tri thuc cua tham s6 m sao cho do thi cia ham so y =

c6 hai duong
mx —

tiém can tao v41 hai truc toa dd mot hinh chit nhat c¢o dién tich bﬁng 4.

A. m==l. B. m=18.

+1

C.m=%2. D. m=—.
2

Loi giai

Dé db thi ham s6 c6 hai duong tiém can thi m =0 .

A A 2
Puong tiém can dung: x=—.
m

Duong tiém can ngang: y=1.

Dién tich HCN tao boi hai duong tiém can va cac truc toa do la:

Tim tat ca cac gia tri thuc cua tham s6 m dé do thi ham so y =

dtng.

3‘=4<::>m=il.
m 2

—5———5— ¢Obatiém can
2x =3x"+m

A. (-1;0). B. (—o0;—1)U(0;+0). C. (0;1). D. (—o0;0)U(1;+0).

1 . /4 1
b6 thi ham s60 y=

2x° =3x* +m

Loi giai

c6 ba tiém can dung khi va chi khi phuong trinh

2x° —=3x* +m =0 c6 ba nghiém thyc phan biét.

Taco 2x’ =3x" +m=0< m=-2x" +3x° (1)
Lap bang bién thién ciia ham s6 f (x) =-2x"+3x":

f'(x)=—6x2+6x=0<:>{

X=
X —®© 0 +00
f'(x) - 0 + -
+00
1
0

Tir bang bién thién, ta c6 phuong trinh (1) ¢6 ba nghi¢m phan bi¢t < m e (0;1) .
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

Cau 6. Tim tap hop tat ca céc gia tri thuc cua tham s6 mdé dd thi ham sb y= co

ba tiém can ding.

A. (—oo;l). B. (—oo;+oo)\{0;l}. C. (—1;1)\{0}. D. (—oo;l)\{O}.
Loi giai

Chen D

Do thi ham s6 y= !

(x—m)(x2 —2x+m)

c6 ba tiém can dung khi va chi khi phuong trinh

(x—m)(x* =2x+m) c6 ba nghiém thuc phén biét khi va chi khi phuong trinh x* —2x+m =0

c6 hai nghiém phan biét khac mkhi va chi khi:

AN=1-m>0 m<1 m<1
5 <9, Simzls .
m-=2m+m#0 m —-—m#0

1

(x—2)(x2—2x+m2) €0

Cau7. Tim tip hop tit ca cic gia tri thuc ctia tham sé m dé do thi ham sé y =

ding hai tiém can dang.
A {-L1}. B. {-1,0;1}. C. {0;1}. D. [-1;1].

Loi giai
Chen B

YCBT & (x—2)(x —2x+m’)=0 c6 ding hai nghiém phan biét khi va chi khi phuong trinh

x> =2x+m’* =0 cb nghiém kép khac 2 hodc co6 hai nghiém phan biét trong d6 c6 mot nghiém
bang 2 khi va chi khi

A=1-m>=0
—i=1¢2 m=xl
2a Lo
’ 2 m=
AN=1-m">0
(2 -22+m" =0
Cau 8. Tim tat ca cac gia tri thuc cia tham so m dé do thi ham so f (x)= il ¢0 hai

x2+2mx+3m+4
tiém can dung.

A. -l<m<4. B. m >4 hoac m<-1.
C. m>4 hodc -5#m<-1. D. me{-5-1;4}.
Loi gidi.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

Cau 9.

Cau 10.

Cau 11.

Do thi ham s6 ¢ hai tiém can ding < x> +2mx+3m+4 =0 c6 hai nghiém phén biét khac —1

m —3m—4>0 m<—1
= ) <3| m>4 < m>4 hoac -5#m<-1.
(=1) +2m(-1)+3m+4 =0

m# -5

x+1
X’ +2mx+3m+4

Tim tat ca cac gia tri thuc cua tham s6 m dé do thi ham s y = c6 ding mot

duong tiém can ding.

A. me{-1;4}. B. me(-1;4).
C. me(—oo;—l)u(4;+oo). D. me{—S;—l;4}.
Loi giai

YCBT <> phuong trinh x* +2mx+3m+4=0 c6 nghiém kép hoic c6 nghiém x =1

m>—3m-4=0 m=-1
= 5 S| m=4 .

(-1) —2m+3m+4=0
m=-5

Tap hop céc gia tri m dé d6 thi ham y = 22x——1 c6 dang mot duong tiém can la
4x" +4mx+1
A. [—1;1]. B. (—oo;—l)u(l;+oo). C. (—oo;—l]u[l;+oo). D. (—l;l).
Loi giai

+ lim y=0; lim y =0 = y =0 Ia tiém can ngang cua dd thi ham sd.

X—>+0
+ B0 thi ham sd ¢6 dung mot dudng tiém can < 4x° +4mx+1=0 vd nghiém
SAN=4m’-4<0 & -1<m<]1.

x—2

Tim tit ca gia tri thuc cua tham s6 m dé dd thi ham sd y =2—1 c6 dung 3 duong tiém
X —mx+
can.
m>2 m>2
m>?2 _
A[ . B. 2<m<2. c.||m<72, D. | |m=>.
m<-2 5 2
m#——
m<-=2
Loi giai
x—=2

Do thi c6 mot tiém c4n ngang vi lim y = lim ———=0.
X—>+o0 x—F0 x© — mx + l
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

Dé @6 thi ham sb di cho co hai tiém can dung thi phuong trinh x* —mx+1=0 phai c6 hai nghiém

m>2
2_4>0
phan biét khéc 2, do d6: 4" Lo lme2
4-2m+1=#0 2
m< -2

Cau 12. Cho ham s y=— . Gié tri cia m dé dd thi ham sd ¢o ding 3 tiém can la
X —m

A.m=0. B. m<0. C. m>0. D.meR.

Loi giai
Chon C

+ P06 thi ham sé y =

2 c6 duong tiém can ngang y=0.

DPé dd thi ham sb c6 3 tiém can thi do6 thi ham s6 can ¢6 2 tiém can diang
& x*—m=0 co 2 nghiém phan biét khac 0 & m >0 .

x—1

Cau 13. Biét rang do thi ham s6 f(x) = c6 hai tiém can dimgx = x; va x =x, sao cho

X +mx+n

3 3
X, —x, =35

X —x,=5 .
{ L . Ménh dé nao sau day dung?

A.m+n=-1. B. m+n=-7. C.m+n=1. D.m+n=7.

Loi giai

A C £ x—1 , Cea N , N ;
D6 thi ham so f(x)z 5 cO hai tiém can dingx=x, va x=1x, = x> +mx+n=0 co
X +mx+n
hai nghiém x;,x, khac 1.
X, =5+x,
X, —x,=5 x,=5+x,
s, o 5 Sl x, =2
X, —x, =35 X XX, +x; =7
x,=-3

m=—(x1+x2)=—1

Véi x, =-2 :>x1:3.:>{ =>m+n=-7

n=x.x,=-6

m=—(x1+x2)=1

Véi x, =-3 :>x1:2.:>{ =>m+n=-5

n=x.x,=-6

Cau 14. Tim tap hop tat ca céc gia tri thuc cua tham s6 M dé dd thi ham sb
x+1

(mx2 —x—l)(2x2 +mx+2)

A. {0} B. (—4;—5}){0}. C. (—4;—%). D. [—4;—%}){0}
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

Loi giai:
Chon B

Vi bac cuia tu luén bé hon bac @ mau nén lim y =0 hay ham s6 ludn c6 mot tiém can ngang la

x—>to0o

y=0.

Do d6 ham s6 c6 dung mot tiém can khi va chi khi ham s6 d6 khong cé thém tiém can ding. Tuc
la céc diéu kién sau phai dong thoi thoa man:

"I Phuong trinh 2x* + mx+2 =0 vo nghiém. Suyra A=m’>-16<0= -4<m<4

[ Phuong trinh mx® —x—1=0 v6 nghiém hoic suy bién thanh phuong trinh bac nhét c6 nghiém

Cau 15.

Cau 16.

bang -1.

+Néu m#0: A=1+4m<0:m<—%
+ Néu m =0, phuong trinh trd thanh —x—1=0=>x =—1 (thoa man).

. 1
Véay diéu kién chung cua bai toan la me (—4;—Zj U{O} .

. 2x% +mx+1 . .
Cho ham s6 ¥ =————— . Ménh dé nao dudi day dung?
X —m

A. D0 thi ham sb ludn c6 ba tiém can véi moi 1.

B. Khi m>0db thi ham s c6 hai dudng tiém can.

C. Khi m<0d6 thi ham sb khong c6 tiém can.

D. Khi m#04d6 thi ham s c6 ba dudng tiém can.
Loi giai

L . 2x +mx+1 i . o o
Taco: limy= lim—————=1;Vm .Suy ra duong thing y =1 14 tiém cén ngang ctia do thi
x—>*t0 x—>*t0 X —m

ham s do d6 loai Chon  C.

Khi m=0 phuong trinh x?> —-m?> =0« x> =0 < x =0 c6 mdt nghiém do d6 do6 thi ham s6 c6
mot duong tiém can ding Nén loai Chon A.

Khi m#0 phuong trinh x*> —m> =0 c6 hai nghiém do d6 d thi ham sb co hai dudng tiém cin
dtmg nén dd thi ham sb ¢6 3 duong tiém can chon Chon D.

2
. . L , x +1
Tim tat ca cac gia tri thyc cia tham s6 77 dé do thi ham s6 ¥ =—_————< c6 dling mdt tiém
2x°+mx+2
can dang?
A. m=14. B. 4<m<4. C. m>4. D. m<+4.
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

Loi giai
Chen A.

YCBT < 2x* +mx+2=0 conghiémkép o A=0=m’ -16=0< m=+4.

X242

Ciu 17. Chohamsb y= c6 do thila (C), véi M 1a tham s6 thye. Khing dinh nao

X =2mx+m’ —1
sau day la sai
A. (C) co tiém can ngang la y =1.

B. (C ) ludn c6 hai tiém can dimg va khoang cach giita chung bang 2.
C. Ton tai M dé (C) khong c6 tiém can ding
D. (C ) ludn c6 ba duong tiém can.

Loi giai

Y A , . 2 2 xim_l
biéu kién xac dinh: x" -2mx+m” -1 0 &< .
x#m+l1
x+2 ) .
Ta co: lim — -— =1 nén d6 thi ham s6 c6 dudng ti€ém cén ngang la y =1.
oo xT —2mx+m” —1
x*+2 . x> +2
im — ——= lim =—00
xo(m-1) X" =2mx+m” —1 H(m—l)*(x—m—l)(x—m+1)
. x*+2 . xP+2
lim = +00

= lim
wo(m-1y x5 =2mx+m* —1 H(m—l)‘(x—m—l)(x—m+1)
Do d6, duong thang x = m—1 1a mot dudng tiém can dimg ciia d thi ham sb.

: x*+2 . x*+2
lim — ——=lim =+00
xo(mel) X7 =2mx+m” —1 H(m+1)*(x—m—1)(x—m+l)

lim x* 42 ~ lim x* 42 _
wo(mit) x5 =2mx +m* =1 xo(m+1) (x -—m-— 1)(x —m+ 1)

Do d6, duong thang x = m+1 1a mot dudng tiém can dimg cia do thi ham sb
Véy dd thi ham s c6 hai dudng tiém can dimg 1a x=m—1 va x=m+1
Khoang cach giita hai duong tiém can dimg la |(m +1)—(m— 1)| =2.

Nhu vay, voi moi gia tri cua m thi @6 thi ham s6 luén c6 duong tiém can dung.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

Cau 18.

Céu 19.

3 2
N P X +ax"+bx+c . . A, ,
Biét do thi ham so y = khong coé tiém can ding. Tinh S=b+c.

(x-2)

A. §=9. B. §=4. C.S=1. D. §=7.

Loi gidi

Tir gia thiét ta co thé phan tich x* +ax® +bx+c= (x - 2)(x - 2) A(x)
Thuc hién phép chia ta thuc ta co:

x3+ax2+bx+c=(x—2)(x2+(a+2)x+2a+b+4)+4a+2b+c+8;

X +(a+2)x+2a+b+4=(x-2)(x+a+4)+4a+b+12

Pé d6 thi ham sb da cho khong co tiém can dimg thi phan du cta hai phép chia trén phai bang
0.

4a+2b+c+8=0
Do do ta c6 hé phuong trinh =b+c=4.
4a+b+12=0

. L . X
Cach 2. Xét bai toan tim diéu kién dé do thi ham s6 y = % khong c6 tiém can ding khi
xX—a

va chi khi f (x) =0 c6 nghiém bdi x =a bic n>m . Diéu ndy twong duong voi hé diéu kién

f(a)=0
"(a)=0 . , ‘ N S
f'(a) Ap dung két qua trén ta c6 db thi ham sé y=> +("x ; fj‘*c khong co tiém cén
X —
70 (a)=0

dtmg khi va chi khi phwong trinh x* +ax® +bx+c =0 c6 nghiém bdi x =2 bac n>2.

o |f(2)=0 {4a+2b+c+8:0
Ta co hé & <Sb+ce=4
f’(2):0 da+b+12=0
Tim tap hop tat ca cac gid tri thuc ciia tham s6 m dé d6 thi ham sé y = xz——} c6 dung ba
X +m
duong tiém can.
A. (0;+00). B. (—o0;0]\{-9}. C. {-9;0}. D. (—;0)\{-9}.

Loi giai
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2D1-BT41:Tiém cAn chira tham sd. When the student is ready , the teacher will appear.

Cau 20.

Cau 21.

Ta dé thay: lim X3 _lim hs Lo Xx=3 _ .

x»—oo\/x2+m x%—oo_\/ ﬁ X—>+0 /x2+m X—>—0 m

=1.

Suy ra cac duong thing y =—1 va y =1 1a hai tiém can cia do thi ham sb.

"I Néu m >0 thi Vx> +m >0 thi do thi ham s khong c6 tiém céan dung
. .ox=3 . x-3 .. x=3 .. x-3 N N Lo~
[1 Néu m =0 thi lim = lim =—o0 va lim = lim =+00 nén do thi ham so sé

x—0* [xz 0" x x—0~ [x2 =0 x

nhan duong thang x =0 1am tiém cén dung.
x=3

e (Jom)

INéum<0taco y= nén do thi ham so c6 hai tiém can ding la x =—/—m va

X=~A—m.
Néu v—m =3 <> m=-9 thi d thi ham sé chi c6 mot tiém can ding x =~—m .

Suy ra, dé dd thi ham sb c6 ding ba tiém cén thi m {-9,0}.

x+1-+/x" +3x
x2+(m+1)x—m—2

m=>1
m<-=2 m>1
A. B. C.meR D.{\m<=2

Vi gia tri nao cia m dé d6 thi hamso y = c6 dang hai duong tiém can?

m#3 m< =2
m#-3
Loi giai

2 . x>
biéu kién xac dinh x2+3x20<:>{

x<-3

. x+1-+/x" +3x S P A
lim — =0 nén d6 thi ham s6 Iuén c6 1 ti€ém cén ngang y =0.
Xk x +(m+1)x—m—2

Xét x2+(m+l)x—m—2=0c>x=1 hoac x=-m-2 .
e x+1-+/x"+3x _ —x+1 _ -1
x2+(m+l)x—m—2 (x—l)(x+m+2)(x+1+\/x2+3x) (x+m+2)(x+l+\/x2+3x)

D0 thi ham sé néu ¢ thém 1 tiém cén dang thi tiém can dung la x=-m—-2.
-m-2>0 {m <=2

Pé x=—m—2 latiém can dimg < N
-m—-2<-3 m=>1

2x— (m—2)x2 +3

x—1

Cho ham s y = (v6i m 1a tham sd). Tim m dé do thi ham s6 c6 dung 2

duong tiém can.
A.m>2. B. m=2 hoac m=3. C. m=2. D. m>2.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT41:Tiém cAn chira tham sb.

Cau 22.

Céu 23.

Loi giai
Chen B

+ D0 thi ham sb ¢6 tdi da mot tiém can dimg. Muén db thi ham s6 c6 2 duong tiém can thi

m—220
+TH1: m>2
2—,/m—2+i2 2+,/m—2+i2
lim y = lim ; X —2-JYm-2, limy= lim ; X —24Jm-2
X—>+00 X—>+0 1 b X——0 X—>—0 1 L

X X
= y=2+~/m—2 13 hai dudng tiém cin ngang cua do thi ham sd.
yebte2—Vm—-2+3=0 < m=3(thtaman m>?2)
+TH2: m=2 = y =2 1a tiém can ngang cta do thi ham sd.

2x—3 2x—3

+ limy = lim =400, limy =lim

x—1* -t o x—1 xo1” =T x—
la duong thangx =1.
Vay m=2 hoac m=3.

=—oo nén do thi ham s6 ¢6 1 tiém can dang

V3x+1+ax+b
(x-1)°

A §=-2. B. §=2. C.S

Biét rang d6 thi ham sé y = khong c6 tiém can dung. Tinh S =ab.

=2 D. 5=
16 16

Loi giai
Chon C

YCBT@f(x):\/3x+l+ax+b:O c6 nghiém bdi 2 x =1 khi va chi khi

& 3 &

Vix+1+ax+b
(x-3)

A.S=—E. B,S:Q_ C.S=—£. D.S=—2—7.
4 8 8 8

Loi giai

Biét d6 thi ham s6 y =

khong cé tiém can dung. Tinh S=a+2b.
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Vix+1+ax+b

D6 thi ham s yzﬁ khong c6 tiém can dting khi va chi khi phwong trinh
x-3

VSx+1+ax+b=0 conghiém bdi x=3 bac n>2.

4+3a+b=0 az%

Ta c6 hé phuong trinh =
P ¢ §+a=0 47
; s

Vay S=a+2b=—%.

Va4x+1+ax+b
(x-2)
L B. . c. 2. D.1.

2 3
Chon D.
Tép xac dinh D=]R\{2}.
bat f(x)=\/4x+1 +ax+b=(x—2)2 .g(x).

f(x)= Jﬁw.hay /(x)=(x-2) .g(x)]'=2(x_z).g'(x)

Tir gia thiét, ta co

2
{f(2)=0 3+2a+b=0 az—g
=

Céu 24. Biét d0 thi hams6 y = khong c6 tiém can dimg. Khi d6 a —b bang

A

Loi giai

, ) 2 &

f'(2)=0 5+a=0 po S
3

Vay a-b=1.

. . - . 3x—mx +2
Cau 25. Tim tat ca cac gia tri thuc cia tham s6 71 dé d6 thi ham so f (x)=% ¢0 hai
X+

duong tiém can ngang.

A. m>0. B.0<m<9. C.0<m<3. D.O<m=#9.
Loi giai.

Xét m=0tacd lim f(x) = lim =3, d6 thi ham s ¢6 1 tiém can ngang, loai m=0.

x—>tow x>t x4
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2
S 3—,m+—
fim £ (x) = lim 22 iy x

P X—>+00 x+1 X—>+00 1

hitu han khi m >0, khi d6 dd thi ham s ¢

1 tiém can ngang.

= lim X hitu han khi m >0, khi d6 d6 thi ham sb ¢6

2
) . 3x—Vmx*+2 . Sty mt s
lim f(x) = lim
x+1

X—>—© X—>—00

1 ti€ém can ngang.
Vay m>0.

mx+7—4/x+3

(x—1)2 khong
c6 tiém can dung:
A. {1 B. {1}. C.J. D. {-1;1}.

Ciu 26. Tim tap hop tat ca cic gia tri cia tham s M sao cho d6 thi ham s6 y =

Loi giai
Chon B
mx+7—4Jx+3
(x-1)°

x+7—4\/m=(\/W—2J2 x-1 o
(x-1)

Do thi ham s6 ¥ = khong co tiém can ding =>m1+7—41+3=0=>m=1.

Thulaivoi m=1: y=

ERINCES) N

Ta co (\/x+3 +2)2 >0,V €[ =3;+00)\{1} = db thi ham s6 khong c6 tiém cdn démg.

Céu 27. Tim tap hop tit ca cac gia tri cua tham s M sao cho do thi ham s

y= x+2 c6 hai tiém can ngang?
\/mx2+1+\/(l—m)x2+1
A. m>0. B. m<1. C. 0<m<l1. D. 0<m«<1.
Loi giai
x+2

.TXD: D=R.

Véi m=0: yzm

lim y =+1= y =+1 la tiém can ngang.

x—>*o0
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x+2

Vx*+1

lim y=+1= y=+1 la tiém cén ngang.

x—>*o0

.TXD: D=R.

Véi m=1 y=

Vi 0<m<1. TXD: D =(—o0;a] U] b;+0).

lim y =

1 1
+ =+ |3tiém ch .
e o+ —m Y (—m+ﬂ a tiém cén ngang
I++/x+1

Céu 28. C6 bao nhiéu gia tri nguyén cta tham sb M dé d6 thj ham sb y = \/ - ( ) ¢6 hai
x —(1-m)x+2m

tiém can dung?
A. 0. B. 2. C. 3. D. 1.

Loi giai
Chon B.

Céch 1: Ham sb xéc dinh khi {

\%

x=>-1
f(x) =x —(1—m)x+2m>0'

Taco 1+Vx+1>0 v6i moi x > —1 nén do thi ham s6 c6 hai tiém can dtng khi

phuong trinh f(x) =0 c6 hai nghiém phén biét I6n hon —1

m>5+26
A>0 m*—=10m+1>0 m<5-26
S f(-1)>0=dm+2>0 Sam>-2 &-2<m<5-46.
- 3
§>—1 I=m U "=
2 2

Do M nguyén nén m e {—1;0} .

Vay c6 2 gia tri nguyén ctia tham s 7 dé dd thi ham s co hai tiém can dung.

X, +x,=1-m

Cach 2: Theo Viet:{

XX, =2m
m>5+2\/8
A>0 A>0 m* —=10m+1>0 m<5-236
Cinco 1% >-l o ix +x,+2>0  <4l-m+2>0 S ym>-2
x, >—1 (x1+1)(x2+1)>0 2m+1-m+1>0 m<3

S-2<m<5-2/6
Do M nguyén nén m e {—1;0}.

Viy ¢ 2 gia tri nguyén ciia tham s 7 dé dd thi ham s co hai tiém cén dung.
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Cau 29.

Cau 30.

Cau 31.

Cau 32.

Tim gi4 tri ciia tham s6 m sao cho do thi ham s& y = 2x++/mx” —x+1+1 ¢6 tiém cén ngang
A.m=4. B. m=—4. C.m=2. D. m=-2.

Loi giai
Chen A

. . (4—m)x2+x—1
+Taco: lim y= lim +1] .
x—>to X—> T oo 2x_\/mx2_x+1

Do thi ham s6 ¢6 tiém can ngang < 4-m=0<m=4.

Tim tat ca cac gia tri thyc cia tham s6 m dé do thi ham sb f(x)=myx®+x+1+x cotiém

can ngang.
A. m#=l. B. m==1. C.0<m=1. D. -1#m<0.

Loi giai.

2 2 2 2 2
m (x +x+1)—x (m —l)x +mx+m
lim f(x) = lim (m\/)c2 +x+1+x) = lim = lim
xX—>to0 x—>doo x—>too m\/x2+x+1_x x—>too m\/x2+x+1_x

Do thi ham s6 f(x) cO tiém can ngang < lim f(x) htru han

x—>too

omi-1=0 om=+l.

Tim tat ca cac gia tri ciia tham s6 m dé do thi cia ham sé y = \/x2 —mx+1 —\/x2 +mx+1 co
hai tiém can ngang va khoang cach gitta chiing bang 4 .
A. m==l. B. 2<m<2. C.m==%2. D. -1<m<1.

Loi giai

Tap xac dinh: D=R.

Ta co
. . . -2
lim y = llm(\/xz—mx+1—\/x2+mx+1)=hm e =-m
¥kl X "_’““’\/x2 —mx+1+\/x2 +m
. . —2mx
lim y = lim =m

oo 32 e b L x e mx + 1
D6 thi ¢6 hai duong tiém can ngang khi m#-m < m=#0.
Khi d6 khoang céch giira chiing la |2m| =4dom=12

Tim tat ca cac gia tri thuc cua tham s6 m sao cho d6 thi ciia ham s y=x—+ mx®+1 c6 tiém
can ngang.
A.m=>1. B. 0<m<1. C. m=0. D. m=1.

Loi giai
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. ) / 1 / 1 \ . .
TH1: m <0 ham so0 c6 tap xac dinh 1a D = {— - ——} nén do6 thi ham so khong c6 ti€m
m m

can ngang.
TH2: m =0 ta dugc y =x—1 nén do thi ham s6 khong c6 tiém cén ngang.
TH3: m >0 ham s6 c6 tip xac dinh 1a D=R.

Taco: limy= lim(x—\/mx2+1)= 1imx[1+ /m+lJ=—oo.
X—>—0 X—>—0 X——0 X

2 o — 1- |
fim y = lim(x—\/mx2+1)= fim X om oL (Lo
X400 X—>+00 x»+oox+\/mx2 +1 x4+oox+\/mx2 +l

Suy ra dé d6 thi ham sb c6 tiém can ngang thi 1-m=0< m=1.

Cau 33. Tim tit ca cac gia tri thuc cua tham s6 m sao cho db thi cia ham sb y=2mx—~3x>+1 ¢
tiém can ngang.
3

A.m=i. B.mzﬁ. C.m=% D.m=+ .

a8

3 2 2
Loi giai
Tap xac dinh: D=R.
1
e I A (4m?=3)x—
ét limy=lim-———F——= lim ———=
X—>+00 X—>+0 2 X—>+00
2mx+~/3x" +1 4 /3+xlz
o _ |4m* -3=0 3
Gi6i1 han nay hitu han khi om=—.
2m+3 %0 2
1
| N LA (4m?=3)x—
ét limy=lim -——————= lim ——=
X—>—0 X—>—0 2 X—>+0
2mx ++/3x% +1 o 3+xl2
o N |4m*-3=0 3
Gi6i1 han nay hitu han khi oSm=———:!:
2m—~[3#0 2

A 3o A
Vay m:iT la gia tri can tim.
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BAI 42: LAP PHUONG TRINH TIEP TUYEN TAI TIEP PIEM.

A.LY THUYET:
Bai toan :

Viét phirong trinh tiép tuyén ciia do thi ham sé y = f(x) tai diéem M (xo;yo).

Dao ham ciia ham s6 y = f(x) tai diém x, 1a hé s6 goc ciia tiép tuyén véi do thi (C ) cua ham

s6 tai diem M (x,; £(x,)).
Khi d6 phuong trinh tiép tuyén cua (C) tai diém M, (x,; f(x,)) 1a:

*

s Cac dang bai toan thuong gap:

Bai todn 1: Viét phuong trinh tiép tuyén ctia do thi ham s6 y = £(x) tai diém M (x,; £(x,)).
Phwong phap giai.

Bai todn 2: Viét phuong trinh tiép tuyén ctia do thi ham s6 y = f(x) biét hoanh d tiép diém x =x,.
Phwong phap giai.

Bai toan 3: Viét phuong trinh tiép tuyén cta do thi ham s6 y = f(x) biét tung d¢ tiép diém bang y, .
Phwong phap giai.
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B. Vi DU MINH HOA

Caul.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cho ham sb y=x-2x"+2 (C). Viét phuong trinh tiép tuyén cua d6 thi (C) tai diém M (11
p g p tuy

A. y=—x+2. B. y=x+2.
C.y=-x. D.y=x.

Cho ham s6 y=x’+3x"—6x+1 (C). Viét phuong trinh tiép tuyén ctia do thi (C) tai diém
y p g

M(1;-1).
A. y=3x-6. B. y=3x-7.
C. y=3x-4. D. y=3x-5.

Cho ham sé y =x’ +3x% —6x+1 (C). Viét phuong trinh tiép tuyén cua do thi (C) biét tung do
tiép diém bang 9

[y=18x+81 [y=x+81
A. | y=-9x . B.| y=9x

| y=18x-27 | y=9x-2

[y =18x+1 [y =x+81
C.ly=-"9x . D.|y=-9x

| y=9x-7 | y=9x-2

Cho ham s6 y =x® —3x+1(C). Viét phuong trinh tiép tuyén ciia d6 thi (C), biét hoanh do tiép
diém béng 0.
A. y=-3x+12. B. y=-3x+11.

C. y=-3x+1. D. y=-3x+2.

Cho hamsd y = x* —=3x+1(C). Viét phuong trinh tiép tuyén ctia do thi (C), biét tung do tiép diém

bang 3
A. y=9x—1 hay y=3. B. y=9x—-4 hay y=3.
C. y=9x-3 hay y=3. D. y=9x-13 hay y=3.

Cho ham s6 y=x*+x*+1 (C). Viét phuong trinh tiép tuyén cia dd thi (C), biét tung do tiép
diém bang 1
A y=2. B. y=1.

C.y=3. D. y=4.

-1 . . 2 .
Cho duong cong (C ) cO phuong trinh y zx—l. Goi M 1a giao diém cua (C ) v0i truc tung.
X+

Tiép tuyén ctia (C) tai M c6 phuong trinh la
A y=-2x-1. B. y=2x+1.
C. y=2x-1. D. y=x-2.
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Cau 8.

Cau 9.

Cau 10.

. 2x+2
Cho ham so0: y = X
x_

c6 @6 thi (C). Viét phuong trinh tiép tuyén ciia d6 thi (C) biét tiép

tuyén tai diém thugc do thi c6 khoang cach dén truc Oy bang 2.

41 4 2
A y=—Tx_2. y_dx+l4. B. y=——x—=, y=4x+1.
y=-—grg, y=dx y=—gr=5s
41 4 2
C.y=—txt yodx+l. D. y=—tx—Z y_dx+ild.
YT Ty Y YT Ty Y

3
Cho ham s6 y = —2%+ x> +4x-2, goi d6 thi cia ham s6 1a (C). Goi M 1a mot diém thude

(C ) ¢6 khoang cach tir M dén truc hoanh bang hai lan khoang cach tir M dén truc tung, M
khong trang véi goc toa do O . Viét phuong trinh tiép tuyén cua (C ) tai M .
A. y=-9. B. y=-64.

C.y=-12. D. y=-8.

Cho ham sé y = f(x) xdc dinh va c6 dao ham trén R théa man [f(2x+ 1):|2 + [f(l—x)]3 =X

. Viét phuong trinh tiép tuyén ciia d6 thi ham sb y = f(x) tai diém c6 hoanh do bang 1.

1 6 1 8

A y=—x——=. B. y=—>x+-=-.
4 77 4 77

1 5 1 6
C.y=—x——. D.y=—>x+—=.
4 77 4 77

0988323371 | Bién soan va suu tim: T6 Qudc An



2D1-BT42:Lap PT Tiép Tuyén tai Tiép Diém. When the student is ready , the teacher will appear.

C.BAI TAP TREN LOP

Céu 1. Phuong trinh tiép tuyén ctia d6 thi ham s6 y=x’ —2x+3 (C) tai diém M (1;2) la:
A. y=3x-1. B. y=2x+2.
C.y=2-x. D. y=x+1.

Cau2. Cho hamso y= §x3 +x* —2x+1 ¢6 do thi 1a (C). Phuong trinh tiép tuyén cua (C) tai diém

M (l;l) la:
3

A. y=3x-2. B. yzx—g.
2
C.y=-3x+2. D. yz—x+§.
Cau 3. Phuong trinh tiép tuyén cua d6 thi ham sé y = x—2 tai diém c6 hoanh d6 bang —3 la:
X+
A. y=-3x-5. B. y=3x+13.
C. y=3x+5. D. y=-3x+13.

Cau4. Phuong trinh tiép tuyén ciia d6 thi ham s6 y = x* —x—2 tai diém c6 hoanh d6 x=1 la:
A. 2x-y=0. B. 2x-y-4=0.
C.x—y—-1=0. D. x-y-3=0.

A A D < A A 5 A LT A 4 . A ’ \ A
Cau 5. Vict phuong trinh tiép tuyén cta do thi ham s6 y = —— tai diém c¢6 hoanh d6 x=-1.

x_
A, y=—x+1. B. y=—x-3.
C.y=x-3. D. y=—x+3.
Cau 6. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = x—2 tai diém c6 hoanh d¢ bang -3 1a
X+
A. y=-3x-5. B. y=-3x+13.
C. y=3x+13. D. y=3x+5.

A - A 3 < A A 5 A DT A 4 . g3: A ’ \ A
Cau 7. Viét phuong trinh tiép tuyén cta do thi ham s6 y = —— tai diém c6 hoanh d6 x=-1
x —

A. y=—x+3. B. y=—x-3.
C.y=—x-1. D. y=—x+1.

Cau 8. Phuong trinh tiép tuyén cua do thi ham sé y=x* —x—2 tai diém c6 hoanh do x=1 1a

A.2x-y=0 B. 2x-y-4=0.
C.x—-y—-1=0. D. x-y-3=0.
Cau 9. Phuong trinh tiép tuyén ciia d6 thi ham sé y = xIn x tai diém c6 hoanh d6 bang e la:
A. y=2x+3e. B. y=ex—-2ec.
C.y=x+e. D. y=2x-e.
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Céau 16.

Cau 17.

Phuong trinh cac tiép tuyén ciia d6 thi ham s6 y = x* —=3x? +1 tai cac diém c6 tung do bang 5
la

A. y=20x-35.

B. y=-20x-35 va y=20x+35.

C. y=20x-35 va y=-20x-35.

D. y=-20x+35.

Phuong trinh tiép tuyén cta duong cong y = x° +3x> —2 tai diém c6 hoanh do x,=11a

A, y=9x-7. B. y=9x+7.

C.y=-9x-7. D. y=-"9x+7.

(THPT LE XOAY - LAN 3 - 2018) Goi duong thang y = ax+b 1a phuong trinh tiép tuyén cia

dd thi ham sé y = tai diém c6 hoanh dd x=1.Tinh S=a—b.

x+1

A S=—. B. §=2.

N | —

C.S=-1. D. S=1.

Chohamsd y =x"+2x”+1 ¢6 dd thi 1a (C). Phuong trinh tiép tuyén ctia (C) tai diém M (1;4)

la:
A. y=3x+1. B. y=7x-3.
C.y=Tx+2. D. y=—x+5.

Cho hamso y = §x3 —3x” +7x+2. Phuong trinh tiép tuyén cua do thi ham s6 tai diém A (0; 2)

la
A y=Tx+2. B. y=-7x+2.
C.y=7x-2. D. y=-7x-2.

Chohams6 y=x’—x* +x+1 6 do thi (C). Tiép tuyén tai diém N cua (C) cét do thi (C) tai
diém thtr hai 1a M (~1;-2). Tim toa d0 diém N .

A. N(0s1). B. N(-1;0).

C. N(2,7). D. N(1;2).

(THPT KINH MON - HAI DUONG - LAN 1 - 2018) Viét phwong trinh tiép tuyén cua db thi
ham s y=-x’+3x* +9x+2 tai diém M c6 hoanh do x,, biétring f"(x,)=-6.

A. y=6x-9. B. y=9x+6.

C. y=9x-6. D. y=6x+9.

2
X

/4 - 2 4 I A 5 A . \ A . < A -
Cho ham so y = lx . Viét phuong trinh ti€p tuyén ctia d6 thi ham so tai diem 4 [l;?lj .
+

1 1 1 1
A.y—E(X'Fl)—E. B.y—z(x+l)+5.
1 1 1 1
cy=—(x-1)==. D.y=—(x—1)+=.
C.y 4(x 1) > b% 2(x )+2
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Céu 18. Lap phuong trinh tiép tuyén v6i do thi ham sé y = f(x) théa man £ (1+2x)=x—f(1-x)

tai diém c6 hoanh do x =12

1 6 1 6

A, y=——x——. B.y=—-x+—.
Y 7 7 Y 7 7
1 6 1 6
C.y=—x——. D.y=—x+—.
Y 7 7 Y 7 7

Cau19. Cho ham s6 y=f(x) c6 dao ham lién tuc trén R, théa man 2f(2x)+ f(1-2x)=12x".

Phuong trinh tiép tuyén ctia @6 thi ham s6 y = f(x) tai diém c6 hoanh d¢ bang 1 1a:

A, y=2x+2. B. y=4x-6.
C. y=2x-6. D. y=4x-2.
2x+m+1

Cau 20. Chohamsd y= (C,). Tim m dé tiép tuyén clia (C,) tai diém c6 hoanh do x, =2

x—1

L A e aen .25
tao v&i hai truc toa do mot tam giac co6 di¢n tich bang 7 .

m=—2;m=—2 m=2;m=§
A. . B. 9 .
m:—7;m:—§ m:—7;m:—§
L 9 L 9
m=—2;m=—2 m=2,m=—2
C ) -
m=7,m=% m:—7;m=§
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D. BAI TAP REN LUYEN

Cau 1.

Cau 2.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

4 2
A A Ry L, X i1: 1 ) X . o4:2 . \ A~ N
H¢é s6 goc cua tiép tuyén cua do thi ham so sz +7—1 tai diém c6 hoanh d¢ x, =—1 bang:

A. 2. B. 1.
C.2. D. 0.
P4 4 4 2 . r 4 . .2
Viét phuong trinh ti€p tuyen cia do thi ham s6 y =1 tai diém c6 hoanh d§ x=-1.
X—
A. y=—-x+3. B. y=—x-3.
C.y=x-1. D. y=—x+1.

Cho ham s6 y=x—2x+1 c6 d6 thi (C) Heé s6 goc cua tiép tuyén véi (C) tai diém M(—l;2)

bang
A. 3. B. 5.
C. 25 D. 1.

Hé sb gbc k cua tiép tuyén dd thi ham sb y= x* +1 tai diém M (1; 2) 1a?

A k=12, B. k=3.

C. k=5. D. k=4.

Viét phuong trinh tiép tuyén ctia 6 thi ham s6 y =2x* —x+1 biét hoanh d6 tiép diém bang 1.
A. y=6x-4 B. y=x+2

C. y=-3x+5 D. y=5x-3

Choham s6 y =x"—x—1 ¢6 d6 thi (C). Phuong trinh tiép tuyén cta (C) tai giao diém cua (C)
voi truc tung la.

A. y=2x-1. B. y=—x-1.

C.y=—x+1. D. y=2x+2.

Cho ham sé y =x’ —3x* +2 ¢6 d0 thi (C) va diém M (2;-2). Viét phuong trinh tiép tuyén cia
do thi (C) tai diém M .

A.y=2. B. y=-2.
C. y=-2x. D. y=2x.

\ £ 2x+2 Yy \ . & Ao Yy A giA | ask 3
Cho hamso y = (C). Viet phuong trinh tiép tuyén cua (C), biét tung do tiép diém bang
2.
A y=—4x-2. B. y=4x+2.
C. y=4x-2. D. y=—-4x+2.

(HK1-THPT Luwong Thé Vinh-2016-2017) Tiép tuyén ctia d6 thi ham sé y = tai diém

—-Xx
¢6 hoanh @ x =—1 c¢6 hé so0 goc la:

A. 1. B.Z. C.7. D.

O | —

9
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Céau 16.

(THPT Nguyén Thi Minh Khai - TP H6 Chi Minh - HKI - 2018) Phuong trinh tiép tuyén véi

(€): y=2x+23 tai giao diém ctia (C) véi truc hoanh la:
x—
A. y=%(x+2). B. y=—%(x+2).
1 —X
Cy=——(x-2).  D.y=—,
=702 K

(Co sé boi dudng viin hoa 218 Ly Tw Trong - Quan 1-2018) Puong thang y = ax+b 1a tiép

tuyén cua do thi ham s6 y =x* —x* +1 tai diém c6 hoanh do 3 Tinh a+8b.

A. 8. B. 9.
= D. 2
16 16

(S& GD&DT Dong Thap - Dién tip THPT QG - 2018) Cho ham sé y =-2x" +6x* —5(C).
Phuong trinh tiép tuyén cua (C) tai M e(C) va c6 hoanh do bang 3 1a

A. y=18x+49. B. y=-18x-49.
C. y=-18x+49. D. y=18x-49.

A - , A X ,1: 2x—-4 ~ . e
(THPT Yén Lac- Vinh Phiic- Lan 1-2018) Cho do thi (H): y = 3 . Lap phuong trinh tiép
tuyén cia dd thi (H ) tai giao diém cua (H ) va Ox.
A. y=2x. B. y=-2x+4.
C. y=-2x-4. D. y=2x-4.

(THPT Chuyén sw pham-Ha Ni-Lan 1-2018) Phuong trinh céc tiép tuyén ctia do thi ham s6
y=x"=3x>+1 tai cac diém c6 tung d6 bang 5 1a

A. y=20x-35. B. y=-20x-35,y=20x+35.

C. y=20x-35,y=-20x-35. D. y=-20x+35.

(THPT Ngé Quyén-Hii Phong-L2-2018) Cho ham sé y 2 s thi (C). Viét phuong
—X

trinh tiép tuyén cta (C) tai giao diém cua (C) va truc tung.
A. y=2x+2. B. y=x+2.
C.y=-2x+2. D. y=2x-2.

. 5 . 2x+1 X s .z
(THPT Ngé Gia Ty - Bic Ninh — Ln 3 — 2018) Cho ham s§ y == T €0 do thi (C). Viet
x—
phuong trinh tiép tuyén cua do thi (C ) tai giao diém cua (C ) v6i truc hoanh.
A. 4x-3y-2=0. B. 4x+3y-2=0.

C.4x+3y+2=0. D. 4x-3y+2=0.
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Tim phuong trinh tiép tuyén ciia @b thi ham s6 y = x* —2x tai diém c6 hoanh d6 bang x,=-1.
A y=—x-2. B. y=x-2.
C.y=—x+2. D.y=x+2.
(HK1 THPT Chuyén Lé Hong Phong - Nam Dinh - 2018) Cho ham s6 y = x* - 2mx’ + m(C)
v6i m 1a tham s6 thyC. Goi 4 1a diém thudc do thi (C) c6 hoanh d¢ bang 1. Tim m dé tiép
tuyén A voido thi (C) tai 4 cat duong tron ()’ +(y— 1)2 = 4 tao thanh mot day cung c6 do

dai nho nhat

AL B -
13 16

c. . D. -0
16 13

\ . -1 < ,
(THPT Ham Nghi- Ha Tinh -Lan 2-2018) Cho haim s6 y = x—l ¢6 do thi (C) va duong thang
X+

d:y=-x+m.Biét duong thang d ludn cit dd thi (C) tai 2 diém phan biét 4, B véi moi tham
sO m . Dit k,k, tuong ing 1 hé sb goc ciia cac tiép tuyén tai 4,B. Tinh gia tri nho nht cua

bléu thac P = k12018 +k22018?

A. P, =1.
B. P, =3.
C.P,=4.
D. P, =2.

(Co s& bdi dudng vin héa 218 Ly Ty Trong - Quén 1-2018) Cho ham s6 y = x* —3x* —6x+4
c6 dd thi (C ) .Puong thing y = ax+b cit (C ) tai hai diém phén biét M, N . Biét rang tiép tuyén
cua (C) tai M,N co6 cung hé sb gocla 2. Tinh a+b.

A. 4.

B. 4.

C.2.

D. 2.
2

(Co s& boi dudéng vian hoa 218 Ly Tw Trong - Quéan 1-2018) Cho ham sb y= —Zx + 3)16 +5
X+

dd thi 1a (C). Goi S 1a thp hop cac s6 thuc k sao cho trén (C) co hai diém phén biét M, N
ma céc tiép tuyén clia (C ) c6 cung hé s6 goc k, dong thoi dién tich AOMN bang 6 (O 1a gbc
toa do). Tinh té)ng tat ca cac sb thudc S .

A. 5.

B. 3.

C.0.

D. 7.
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BAI 42: LAP PHUONG TRINH TIEP TUYEN TAI TIEP PIEM.

A.LY THUYET:
Bai toan :

Viét phirong trinh tiép tuyén cia do thi ham sé y = f(x) tai diém M(xo;yo).

Dao ham clia ham s6 y = f(x) tai diém x, la hé s goc cua tiép tuyén véi do thi (C) ctia ham

s6 tai diem M (x,; £(x,)).
Khi d6 phuong trinh tiép tuyén ciia ( C ) tai diém M, 0 (xo; f (xo)) la:

Y=Y = f"(x)(x—x,) voi (yo :f(xo))

% Cac dang bai toan thuwong gap:

Bai toan 1: Viét phuong trinh tiép tuyén ciia do thi ham sé y = f (x) tai diém M (x5 f(x)))-
Giai.
Tiép tuyén cua d6 thi ham s y = f(x) tai M(x,;y,)la:
Y= L) x=X) + ¥, -

Bai toan 2: Viét phuong trinh tiép tuyén cuia do thi ham sé y = f (x) biét hoanh do tiép diém x = X,
Giai:
Tinh y, = f(x,),¥'(x,) = phuong trinh tiép tuyén: y = f"(x,)(x—x,)+ ¥, .

Bai toan 3: Viét phuong trinh tiép tuyén cta dd thi hamsé y = f (x) biét tung d6 tiép diém bang Vo -
o Giai.
Goi M(x,;y,) latiép diem
Gidi phuong trinh f(x) = y, ta tim dugc cac nghiém x,.

Tinh »'(x,) va thay vao phuong trinh y = f'(x,)(x—x,) + ¥, -
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B. Vi DU MINH HQOA

Caul. Chohamsé y=x'-2x’+2 (C). Viét phuong trinh tiép tuyén ctia dd thi (C) tai diem M (L;1)

A. y=—x+2. B. y=x+2. C.y=-x. D.y=x.

Loi giai:
Chon dap an A.
Taco y'=3x"—4x = )'(1)=-1.

Phuong trinh tiép tuyén la: y = V' (1).(x=1)+1==1(x—1)+1=—x+2.
Cau2. Cho ham s6 y=x"+3x —6x+1 (C) Viét phuong trinh tiép tuyén ciia d6 thi (C) tai diém
M (1;-1).
A. y=3x-6. B. y=3x-7. C. y=3x-4. D. y=3x-5.
Loi giai:
Chon dap an C.
Taco: ¥ =3x"+6x—-6 = y'(1)=3
Phuong trinh tiép tuyén la: y = y'(x,)(x —x,) + ¥, =3(x—1)—1=3x—4.

Cau3. Cho hamsd y=x+3x"—6x+1 (C). Viét phuong trinh tiép tuyén cta d6 thi (C) biét tung do
tiép diém bang 9

y=18x+8l1 y=x+81 y=18x+1 y=x+81
A.| y=-9x . B.|y=9x . C.ly=-9x . D.|y=-9x
y=18x-27 y=9x-2 y=9x-7 y=9x-2

Loi giai:

Chon dap an A.

Goi M (x,;,) 1a tiép diém

Taco: y' =3x" +6x—6.

Taco: y,=9 < x; +3x; —6x,-8=0 < x, =—Lx,=2,x,=—4.

* x, =—4= y'(x,) =18. Phuong trinh tiép tuyén la: y =18(x +4)+9 = 18x + 81
+ x,=—1= y'(x,) =-9. Phuong trinh tiép tuyén la: y = -9(x +1)+9 = —9x

* x, =2=>'(x,) =18. Phuong trinh tiép tuyén la: y =18(x—2)+9 =18x—27.
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Cau 4.

Cau 6.

Cho ham s6 y =x* —3x+1(C). Viét phuong trinh tiép tuyén ciia d6 thi (C), biét hoanh do tiép
diém bang 0.
A, y=-3x+12. B. y=-3x+11. C. y=-3x+1. D. y=-3x+2.

Loi gidi:

Chon dap an C.

Taco: y'=3x"-3.Goi M (x,;y,) latiép diem
Taco: x,=0=y,=1,y"(x,)=-3

Phuong trinh tiép tuyén: y =-3x+1.

Cho ham sd y = x* —=3x+1(C). Viét phuong trinh tiép tuyén ctia do thi (C), biét tung do tiép diém

bang 3
A. y=9x—1 hay y=3. B. y=9x—-4 hay y=3.
C. y=9x-3 hay y=3. D. y=9x—13 hay y=3.

Loi giai:
Chon dap an D.
Taco: y' =3x"—-3.Goi M (x037) 12 tiép diém

Tacod: y, =3 x -3x,-2=0x,=2,x,=-1
« x, =-1= y'(x,) =0. Phuong trinh tiép tuyén: y =3

« x, =2=)'(x,) =9. Phuong trinh tiép tuyén: y = 9(x—2)+3 =9x—13.

Cho ham s6 y=x*+x>+1 (C). Viét phuong trinh tiép tuyén ctia dd thi (C), biét tung do tiép
diém bang 1
A y=2. B. y=1. C.y=3. D. y=4.

Loi giai:

Chon dap an B.

Taco: y' =4x" +2x. Goi M (x,;y,) 1a tiép diém
Taco yy=1x +x, =0 x,=0, y'(x,)=0

Phuong trinh tiép tuyén: y =1
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Cau7. Cho duong cong (C ) c6 phuong trinh y = x—_i Goi M 1a giao diém cua (C ) voi truc tung.
X+

Tiép tuyén ctia (C ) tai M c6 phuong trinh la

A. y=-2x-1. B. y=2x+1. C. y=2x-1. D. y=x-2.
Loi giai:

Chon dap an C.

x—1
=——:; D=R\1-1
Y x+1’ { }

Giao diém cua (C) va truc tung la M(O;—l).
Suy ra tiép tuyén cua (C) tai M la: y+1=2(x—-0) <y =2x-1.

Cau8. Cho ham sb: y= 2x +12 c6 d6 thi (C). Viét phuong trinh tiép tuyén cua dd thi (C) biét tiép
x_

tuyén tai diém thudc do thi co khoang cach dén truc Oy bang 2.

4 1 4 2
A y=——x——, y=4x+14. B. y=——x——, y=4x+1.
y 0¥ 7% y y 0¥ 7% y
4 1 4 2
C.y=——x——, y=4x+1. D.y=——x——, y=4x+14.
y 0" 9 y y 0 9 y

Loi giai:

Chon dap an D.

Ham s6 di cho xac dinh v6i Vx#1. Tacd: y' = ﬁ
x—1

Goi M (xo; yo) 1a toa d6 tiép diém, suy ra phuong trinh tiép tuyén cia (C ) :

(-1 " x-l O R
Khoang cach tur M(xo;yo) dén truc Oy bang 2 suy ra X, =%2, hay M(—2;%) , M(2;6).
N < A /4 . 2 \ 4 2
Phuong trinh tiép tuyén tai M —2;§ la: y= —Ex—g

Phuong trinh tiép tuyén tai M (2; 6) la: y=4x+14

g ST U 4 2
Vay, c6 2 tiép tuyén thoa dé bai: y:—gx—g, y=4x+14.
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Cau 9.

. 2x° . . .
Cho ham s6 y = —%+x2 +4x—2, goi d0 thi cia ham so0 1a (C) Goi M la mot diém thude

(C ) c6 khoang cach tir M dén tryc hoanh bang hai 1an khoang cach tr M dén truc tung, M
khong tring véi gdc toa dd O . Viét phuong trinh tiép tuyén cta (C ) tai M .

A. y=-9. B. y=-64. C.y=-12. D. y=-8.
Loi giai:
Chon dap an D.
2 2
X X
M e(0) Yu =7 Yy =7
= 2-x, & 2—-x,
d(M,0Ox)=2d(M,Oy)
|yM|=2|xM| Yy =12x,,
x Yy =2Xx _4
* Y =5 " Mz Vi = 2%y X, =0 o 3
* 2-x,, & Xy, = v
Xy = 3x;, —4x,, =0 Yy =0 8
Var = 2%y 22Xy yM:g

Vi M khong tring véi gbc toa dd O nén chi nhan M (g,g)

Phuong trinh tiép tuyén cia (C ) tai M la y=8x-8.

__ % Vi = 2%y =-2x x, =4
T e 2 e T TR o M= 0),
—2x,, = 0 =-8
Vur = 2%y 2-xy

Phuong trinh tiép tuyén cua (C) tai M la y=-8.
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Cau 10. Chohamsd y = f(x) xéc dinh va c6 dao ham trén R théa méan [f(2x+ 1)]2 ﬁt[j”(l—)c)}3 =x
. Viét phuong trinh tiép tuyén ctia d6 thi ham s6 y = f(x) tai diém c6 hoanh do bang 1.
1 6 1 8 1

A y=—x——. B.y=—>-x+—-. C.y=—x——. D.y=—x+—-.
4 7 7 4 707 4 77 4 7 7

Loi gidi:
Chon dap an B.

Tir [ f(2x+ )] +[f(1-x)] =x (. cho x=0taco [ F()] +[ s ()] =0 &

DPao ham hai vé ctia (*) ta duge 4.1 (2x+1).f"(2x+1) =3[ £(1-x)] .f"(1-x)=1.
Cho x=0 taduge 41 (1)./"(1)-3.[ /()] ./ ()=1 < £1).£'(1).[4-37(1)]=1 (5.

Néu £(1)=0 thi (**) vo 1y, do d6 f(1)=—1, khi d6 (**) tror thanh

(1) [4+3]=1 @f’(l):—%

Phuong trinh tiép tuyén y=—%(x—1)+1 <:>y=—%x+%.
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C. BAI TAP TREN LOP

Cau 1.

Cau 2.

Cau 3.

Phuong trinh tiép tuyén cta d6 thi ham s6 y =x" —2x+3 (C) tai diem M (1;2) 1a:
A. y=3x-1. B. y=2x+2. C.y=2-x. D. y=x+1.

Loi giai
Chon D
Taco y'=3x"-2=)'(1)=1.
Vay phuong trinh tiép tuyén v6i d6 thi (C) tai diém M (1;2) 1a: y=1(x—1)+2=x+1.

Cho ham s6 y = §x3 +x*—2x+1 c6 do thi la (C ) Phuong trinh tiép tuyén cua (C ) tai diém

M(l;lj la:
3

A. y=3x-2. B.y=x——. C. y=-3x+2. D. y=—x+§.
Loi giai

y =x>+2x-2 suyra y'(l) =1. Phuong trinh tiép tuyén tai diém M (l;%j la

1 2
=1(x=1)+==x—=.
y (x )+3 X 3

Phuong trinh tiép tuyén ciia d6 thi ham s6 y = al _; tai diém c6 hoanh do bang -3 1a:
X+
A. y=-3x-5. B. y=3x+13. C. y=3x+5. D. y=-3x+13.
Loi gidi

Tap xac dinh cia ham s6 D=R\ {2} )

3 .
(x+2)2

Pao ham ctia hamso la y' =

Phuong trinh tiép tuyén tai diém c6 hoanh d6 bang—3 la:

y=f"(3)(x+3)+f(-3) @ y=3(x+3)+4 & y=3x+13.
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Cau4. Phuong trinh tiép tuyén ctia do thi ham s6 y = x* —x—2 tai diém c6 hoanh d6 x=1 la:
A. 2x-y=0. B. 2x—y-4=0. C.x-y-1=0. D. x-y-3=0.
Loi giai

Taco x=1=y=-2.
y'=2x-1; y'(1)=1.

Vay phuong trinh tiép tuyén tai diém c6 hoanh d6 x=1 la: y= l(x—l) -2 x—y-3=0.

A - A 3 < A A ;) A . \ A 4 . g3 A r \ A
Cau 5. Viet phuong trinh tiép tuyeén cua do thi ham so y = o tai di€ém c6 hoanh @6 x=-1.
x —

A. y=—x+1. B. y=-—x-3. C.y=x-3. D. y=-x+3.
Loi giai

Tacod: y(-1)=-2va y'= -

(x-1)

= y'(—l) =-1.

Phuong trinh tiép tuyén tai diém A(—l;—2) la: y= —(x+1) -2=—x-3.

A . -4 £ ) NTRR £ X Y ; \ A1 \
Cau 6. Phuong trinh ti€p tuyén cua do6 thi ham s6 y = tai di€ém c6 hoanh d¢ bang -3 1a

x+2
A. y=-3x-5. B. y=-3x+13. C. y=3x+13. D. y=3x+5.

Loi giai

Goi M (xo; yo) 1a tiép diém cua tiép tuyén va dd thi ham sb.

Theo gia thiét x,=—3=y,=4 suyra M(-3;4).Co y' =

(eay )=

Phuong trinh tiép tuyén ctia do thi ham sb tai M (—3;4) la: y=3x+13.
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Cau 7.

A \ < A A 5 A . \ A 4 c g R I4 \ A
Viét phuong trinh tiép tuyén cta do6 thi ham s6 y = —— tai diém c6 hoanh d¢ x =-1

x—1
A. y=—x+3. B. y=—x-3. C.y=—x-1. D. y=—x+1.
Loi gidi
y’ — 4 :> y' — 4 — _1
B R GV
Do d¢, phuong trinh tiép tuyén ctia dd thi ham s6 di qua diém M (-1;—2) va nhan Yy =-1

lam hé s6 goc la: y+2=-1(x+1)< y=—x-3.

Phuong trinh tiép tuyén ctia dd thi ham s6 y = x* —x—2 tai diém c6 hoanh d6 x=1 1a
A.2x-y=0 B. 2x-y—-4=0. C.x-y—-1=0. D. x-y-3=0.

Loi giai
Goi M 1atiép diém ctia tiép tuyén va do thi ham so. Theo gia thiét: M (1;—2)
Goi k 1ahé sb gbc cua tiép tuyén v6i do thi ham sb tai M .
Taco y'=2x-1, k=y'(1)=1
Phuong trinh tiép tuyén can tim 1a y = 1(x—1)—2 &S x—y-3=0

Phuong trinh tiép tuyén ctia d6 thi ham s6 y = xInx tai diém c6 hoanh d6 bang e la:
A. y=2x+3e. B. y=ex—2e. C.y=x+e. D. y=2x-e.
Loi giai

1
Taco y'=Inx+x.—=Inx+1.
X

V'(e)=2, y(e)=e.

Phuong trinh tiép tuyén la: y = 2(x—e)+e & y=2x—e.
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Céu 10. Phuong trinh céc tiép tuyén cua do thi ham s y = x* —3x* +1 tai cac diém c6 tung do bang 5

la
A. y=20x-35. B. y=-20x-35 va y=20x+35.
C. y=20x-35va y=-20x-35. D. y=-20x+35.
Loi giai
f' —2)=—20

Taco) y=5<x*-3x"-4=0 ©ox=2=
f'(2)=20

Vay phuong trinh tiép tuyén can tim la
My =—20(x+2)+5 =-20x-35,

M y=20(x—2)+5=20x-35.

Cau 11. Phuong trinh tiép tuyén cia duong cong y = x* +3x* —2 tai diém c6 hoanh do x,=11a
A. y=9x-7. B. y=9x+7. C.y=-"09x-7. D. y=-9x+7.
Loi giai

¥y =3x" +6x
Co x, =1 :>y(l)=2 va y'(1)=9

Khi d6 phuong trinh tiép tuyén tai diém (1;2) codang y = y'(xo)(x—x0 ) +y, ©y=9x-T7.
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Cau 12.

Cau 13.

Cau 14.

(THPT LE XOAY - LAN 3 - 2018) Goi duong thang y = ax+b 13 phuong trinh tiép tuyén cia

b thi ham s6 y =2 " tai diém c6 hoanh d6 x=1. Tinh S=a—b.

x+1
A.Szé. B. §=2. C.S=-1. D. S=1.
Bai giai
Ta co:
1
x0=1:>y0=§.
3 3
V=—0g=f1)==
(x+1)2 4
1 <A A ’ 3 1 3 1
Phuong trinh tiép tuyén c6 dang: y==(x—1)+==y="x——
4 2 474
3
a==
= 413S=a—b=1.
h=—__
4

Cho ham s y = x* +2x* +1 ¢6 do thi la (C ) . Phuong trinh tiép tuyén cta (C ) tai diém M (1;4)
la:
A. y=3x+1. B. y=7x-3. C.y=T7x+2. D. y=—x+5.

Loi giai

Taco y'=3x"+4x.Do dé y'(1)=7. Phuong trinh tiép tuyén tai diém M (1;4) 1a y=7x-3.

Cho ham s6 y:%x3 —3x’ +7x+2. Phuong trinh tiép tuyén cua d6 thi ham sé tai diém 4(0;2)
la
A, y=Tx+2. B. y=-7x+2. C.y=7x-2. D. y=-7x-2.
Loi gidi
Tacé y'=x—6x+7.Dodo y'(0)=7.
Phuong trinh tiép tuyén 1a y=7x+2.
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Cau 15.

Cau 16.

Cau 17.

Cho ham s y=x -x"+x+1co dd thi (C) Tiép tuyén tai diém N cua (C) cat do thi (C) tai
diém tht hai la M (~1;,-2). Tim toa do diém N .
A. N(0;1). B. N(-1;0). C. N(2,7). D. N(1;2).
Loi giai
Chon D

Ta co: y'=3x" —2x+1. Goi N(x,;¥,)e(C) suyra N(xo;xg—x§+x0+l)
Phuong trinh tiép tuyén tai N : y=(3x§—2x0+1)(x—x0)+x3—x§+x0+1 (d).
Vi M (-1;-2)e(d) suy ra: —2=(3x§—2x0+1)(—1—x0)+x3—x§+x0+1

Xp==1=>y,=-2

<:>x3+x§—x0—1:0<:>{ . Vay N(l;2).

Xy =1=y,=2

(THPT KINH MON - HAI DUONG - LAN 1 - 2018) Viét phuong trinh tiép tuyén cua do thi
ham s6 y=—x’ +3x” +9x+2 tai diém M c6 hoanh do x,, biét rang f"(x,)=-6.
A. y=6x-9. B. y=9x+6. C. y=9x-6. D. y=6x+9.

Loi giai

Taco y' =-3x"+6x+9, y'=—6x+6.
f"(x0)=—6c>—6x0+6=—6 S x,=2=y,=24 va y'(2)=9.

Phuong trinh tiép tuyén tai M 1a y= 9(x—2) +24 < y=9x+6.

2

. -2 s oz . N L -
Cho hamso y = T Y Vit phuong trinh tiep tuyén cua do thi ham so tai diém A(l;;lj.
1 1 1 1 1 1 1 1
A y=—(x+1)——. B. y=—(x+1)+—. C.y=—(x-1)—-—. D.y=—(x-1)+—.
=gl = yeglerl)rg Coo=glel)= =gty
Loi giai
2 —
TXD: R\{-1}. Taco y =¥ T2¥~2
(x+l)

Phuong trinh tiép tuyén cua dd thi ham sé tai diém A(l; %IJ la: y=y'(1)(x-1) —%
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Cau 18.

Cau 19.

R 1 1
Vay (d): y:Z(x_l)_E'

Lap phuong trinh tiép tuyén voi d6 thi ham s6 y = f(x) théa man f* (1+ 2x) =x-f° (l—x)
tai diém c6 hoanh d§ x=1?
1 6 1 6 ) 1 6

A y=——x——. B.y=—>x+—-. C.y=—x——. D.y=—x+-.
= 77 4 7 7 4 7 7 4 7 7

Ta co: f2(l+2x)=x—f3(l—x).

Suy ra 4.f (1+2x).f/"(1+2x) =143 /> (1-x) /" (1-x).
Cho x=0 taduge £ (1)=—/>(1). (1)

va 4 (1).£/(1)=1+372 (1) (1), (2).

Tu (1) suy ra f(l):—l vi f(l)zO khong thda man (2)

Thay vao (2) ta duoc f'(l):—%.

Véy phuong trinh tiép tuyén cua d6 thi ham sb yv=f (x) tai diém c6 hoanh do x =1 la:

y = ()(x=1)+ £(1) bay y=-2x-2.

Cho ham s y:f(x) c6 dao ham lién tuc trén R, thoa man 2f(2x)+f(1—2x):12x2.

Phuong trinh tiép tuyén cta dd thi hamsé y = f (x) tai diém c6 hoanh d6 bang 1 la:

A, y=2x+2. B. y=4x-6. C. y=2x-6. D. y=4x-2.
Loi giai
Chon D
21(0 1)=0
T 2f(2x)+f(l—2x)=l2x2 (*),cho x=0 va le ta dugc F(0)+70) :>f(l)=2
2 2f(1)+f(0)=3

Lay dao ham hai vé cua (*) ta duoc 4f'(2x)—2f’(1—2x)=24x, cho x=0 va xzé ta dugce

{4f’(0)—2f’(1) =0

4f'(1)-2,'(0)=12 =f1(1)=4.

Phuong trinh tiép tuyén ctia d6 thi ham sé y = f(x) tai diem x=11a y = f'(1)(x=1)+ £ (1)
<:>y=4(x—1)+2 S y=4x-2.
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Cau20. Cho hams6 y = 2x+—ml+1 (C,). Tim m dé tiép tuyén cua (C,) tai diém c6 hoanh do x, =2
x—

g o e e, .25
tao voi hai truc toa do mot tam giac c6 dién tich bang 5

m——2,m=—2 m:2;m=£ m——2,m=—§ :2,m=—2
A 28 B 928’C 289'D' 298'
m=-7,m=—— m=-7,m=—— m=7,m=— m=-T,m=—
9 9 9 9
Loi giai
-m-3
Ta co: y'=—m 5
(x=1)

Ta c6 x,=2=y,=m+5, y'(x,) =—m—3. Phuong trinh tiép tuyén A cua (Cm) tai diém co
hoanh d¢ x, =2 la: y=(-m-3)(x-2)+m+5=(-m-3)x+3m+11.
3m+11

. AmOsz:A( ,OJ,Véim+3¢O
m+3

« AnOy=B= B(0;3m+11)

2
Suy ra di¢n tich tam giac OA4B la: S = %OA.OB = 1Gm+11)”

2 |m+3

2
Theo gia thiét bai toén ta suy ra: 1Gm+ll) 25
2 |m+3 2

9m* +66m+121=25m+75

< CBm+11)° =25\m+3| <
Om® +66m+121=-25m—"175

23
Om® +41m+46 =0 m=-2m=—-"

f— R —
I9m* +91m+196 =0 oL 28
m=-T,m=——
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D. BAI TAP REN LUYEN

4 2
X - £ A o aX 1s1s ,( X - 4R . \ A 3
Caul. He¢ so goc cua tiép tuyen cua do thi ham so y=7 +?—1 tai diém c6 hoanh d§ x, =—1 bang:

A. 2. B. 1. C.2. D. 0.
Loi giai

Hé s6 goc cua tiép tuyén tai diém x, = -1 bang y'(-1).

Tacod y' =x"+x,viy y'(-1)=-2.

A <A N <A A 5 A c 1 A 4 3R ) \ A
Cau 2. Viét phuong trinh tiép tuyeén cua do thi ham so0 y = —— tai diém c6 hoanh d§ x=-1.

x—1
A. y=—x+3. B. y=—x-3. C.y=x-1. D. y=—x+1.
Loi gidi
Toa d6 tiép diém M (-1-2).
[ 4 r 5 A . \ A 4 . \
% =—( 1)2 = y'(-1)=—1 = PTTT cua do thi ham s6 y=—" tai M (-1;-2) la:
. _

y=—1(x+1)—2 hay y=—-x-3.

Cau3. Chohamsd y=x’—2x+1 c6 do thi (C) Hé s6 goc cia tiép tuyén véi (C) tai diém M(—1;2)
bang
A. 3. B. -5. C. 25 D. 1.
Loi giai

Y =3x"-2 :>k=y’(—1)=1.

Cau4. Heésb goc k cua tiép tuyén d6 thi ham sd y = x* +1 tai diem M (1;2) 1a?
A k=12. B. k=3. C. k=5. D. k=4.
Loi giai

Taco k=y'(1)=3.
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Cau 5.

Cau 7.

Viét phuong trinh tiép tuyén ctia d6 thi ham s6 y = 2x* —x+1 biét hoanh d6 tiép diém bang 1.
A. y=6x—-4 B. y=x+2 C. y=-3x+5 D. y=5x-3
Loi giai

Tacd y' =6x" -1
Véi x=1=y=2va y'(1)=5.

Phuong trinh tiép tuyén c6 dang: y = S(x —1) +2<< y=5x-3.

Cho ham sb y= ¥ —x—1¢c6dd thi (C ) . Phuong trinh tiép tuyén cua (C ) tai giao diém cua (C )
véi tryc tung 1a.
A. y=2x-1. B. y=—x-1. C.y=—x+1. D. y=2x+2.

Loi giai

¥y =3x" -1, giao diém cua dd thi ham s voi truc tung la M (0,—1).

Phuong trinh tiép tuyén c6 dang: y=—-x—1.

Cho ham s6 y =x* —3x* +2 ¢6 d6 thi (C) va diém M (2;-2). Viét phuong trinh tiép tuyén cta
dd thi (C) tai diém M .
A y=2. B. y=-2. C.y=-2x. D. y=2x.

Loi giai
Phuong trinh tiép tuyén c6 dang y = f (%) (x=xy) + ¥,
Vi x, =25 y,=-2 va f'(x)=3x"-6x = ['(2)=0
Vay phuong trinh tiép tuyén 1a y=-2.
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Cau 8.

Cau 9.

Cau 10.

Cho ham s6 y = 2x+2 (C). Viét phuong trinh tiép tuyén cta (C), biét tung d¢ tiép diém bang
-2.
A.y=—4x-2. B. y=4x+2. C.y=4x-2. D. y=—-4x+2.

Loi giai

\ S . 7 . ’ ' —4

Ham s06 x4c dinh véimoi x#1. Tacod: y'=——

(x=1)

2x,+2

Goi M(x,;y,) latiép diém, suyra y, =2 < =24y, =0 x,=0

X, —
Turdotaco y'(x,)=y"(0)=—4.

Véy phuong trinh tiép tuyén la: y=—4(x-0)-2=—-4x-2.

(HK1-THPT Lwong Thé Vinh-2016-2017) Tiép tuyén cta do6 thi ham s6 y = tai diém
—X

c6 hoanh d x =-1 c6 h¢ so goc la:

A. 1. B.Z. C.7. Q.l.
9 9
Loi giai.
2x-3  2x-3 . 1
2—-x —x+2 (2—x)2

(THPT Nguyén Thi Minh Khai - TP H6 Chi Minh - HKI - 2018) Phuong trinh tiép tuyén véi

(C):y= 2x+ 23 tai giao diém cua (C) véi truc hoanh la:
x J—

A. y=%(x+2). B. y=—%(x+2). C. yz—%(x—Z). D. y=_7x.

Goi M (x,; ,) la tiép diem.
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Cau 11.

Cau 12.

Cau 13.

Tacé: y, =0= 2 _gesy =2
2x, -3
-7 1
l:—: !_2 -
P (2xay (2=

Vay phuong trinh tiép tuyén la: y = —%(x +2).

(Co sé boi dwdng vin héa 218 Ly Tw Trong - Quan 1-2018) Duong thing y =ax+b 1a tiép

A o A . \ A . R J \ A 1 It
tuyén ctia d6 thi ham s6 y = x* — x> +1 tai diém c6 hoanh do 3 Tinh a+8b.

A. 8. B. 9. C.i. D.é.
16 16
Loi giai
1 1 1 13
Taco y =4x’ =2x, y'|=|=—=, y| = |=—.
7 y(z) 2 y(zj 16
. ‘ 1 1 13 1 17
Phuong trinh tiép tuyén cé dangy=——| x—— [+ — < y=——x+—.
g p tuy ang y 2()6 2) 6 Y=

Vay a+8b=38.

(S& GD&DPT Déng Thap - Dién tap THPT QG - 2018) Cho ham s6 y =-2x"+6x* —5(C).
Phuong trinh tiép tuyén cia (C ) tai M e (C ) va c6 hoanh d6 bang 3 1a
A. y=18x+49. B. y=—-18x-49. C. y=—18x+49. D. y=18x-49.

Loi giai

TXD: D=R.
y'=—6x"+12x,/"(3)=-18.

x=3= y=—5 nén phuong trinh tiép tuyén la y=—l8(x—3)—5<:>y=—18x+49.

(THPT Yén Lac- Vinh Phic- Lan 1-2018) Cho d6 thi (H): y = 2x _34 . Lap phuong trinh tiép
tuyén ctia do thi (H) tai giao diém cia (H) va Ox .
A. y=2x. B. y=-2x+4. C.y=-2x-4. D. y=2x—-4.

Loi giai
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. . g0 R , ’ _2
(H) giao Ox tai diem (2;0). Taco y'= G
x p—

Véy phuong trinh tiép tuyén la:
y=1'2)(x-2)+f(2)
=2(x-2)+0 =-2x+4

Céu 14. (THPT Chuyén sw pham-Ha Ni-Lan 1-2018) Phuong trinh céc tiép tuyén ciia do thi ham s6

y=x"=3x>+1 tai cac diém c6 tung d6 bang 5 1a

A. y=20x-35. B. y=-20x-35,y=20x+35.
C. y=20x-35,y=-20x-35. D. y=-20x+35.
Loi giai

x=-2

Hoanh d6 tiép diém la nghiém phuong trinh x* -3x*+1=5 < {
X =

y'(x) =4x* —6x.
Phuong trinh céc tiép tuyén tai cac diém (-2;5), (2:5) lan luot la:
y= y'(—2)(x+2)+5 =-20x-35,y= y’(2)(x—2)+5 =20x-35.

Céau 15. (THPT Ngé Quyén-Hai Phong-L2-2018) Cho ham sé y _2 c5dd thi (C). Viét phuong

I-x
trinh tiép tuyén ctia (C ) tai giao diém cta (C ) va tryc tung.
A. y=2x+2. B. y=x+2. C.y=-2x+2. D. y=2x-2.
Loi giai
(C)nOy=(0:2). y'=—2— = y'(0)=2.
(1-x)
Vay phuong trinh tiép tuyén la: y =2x+2.
Céau 16. (THPT Ngé Gia Tw - Bic Ninh — Lan 3 — 2018) Cho ham s6 y = 2x +11 c6 dd thi (C). Viét
x_

phuong trinh tiép tuyén cua do thi (C ) tai giao diém cua (C ) v6i truc hoanh.

A. 4x-3y-2=0. B. 4x+3y-2=0. C.4x+3y+2=0. D.4x-3y+2=0.
Loi giai

Goi M (x453,)=(C)nOx = M(—%;Oj.
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Cau 17.

Cau 18.

M
(x-1) 2) 3
Phuong trinh tiép tuyén cua do thi (C ) tai giao diém cua (C ) v6i truc hoanh:

y=—§(x+%)c>4x+3y+2=0.

Tim phuong trinh tiép tuyén ctia do thi ham s6 y = x* —2x tai diém c6 hoanh do bang x,=-1.

A y=—x-2. B. y=x-2. C.y=—x+2. D.y=x+2.
Loi giai

Taco y' =3x"-2.

Theo dé x, =-1= y, =1; y'(-1)=1.

Vay phuong trinh tiép tuyén ciia d6 thi ham s tai diém c6 hoanh do bang x,=-11a

y=(x+1)+1 Sy=x+2.

(HK1 THPT Chuyén L& Hong Phong - Nam Dinh - 2018) Cho ham s6 y = x* —2mx* + m(C)
véi m la tham s6 thue. Goi 4 la diém thudc do thi (C) c6 hoanh d¢ bang 1. Tim m dé tiép

tuyén A véido thi (C) tai 4 cat dudng tron (y)x® +(y - 1)2 =4 tao thanh mot day cung c6 do

dai nho nhat

AL B. -2 c p.-1%
13 16 16 13

Loi giai
Chon C.

Puong tron (y):x* +(y—1)" =4 c6 tam 1(0;1);R=2.

Taco A(L1-m); y' =4x" —4mx = y'(1)=4—-4m.

Suy ra phuong trinh A: y =(4—4m)(x—1)+1-m. D& thdy A ludn di qua diém c6 dinh

F(%;Oj va diém F nam trong dudng tron (}/)
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Cau 19.

A M N

Gia sit A cdt (y) tai M,N . Thé thi ta co: MN =2,/R* ~d*(I;A) =2,/4—d* (I;A) .
Do d6 MN nhé nhat < d(I;A) 1énnhat < d(I;A)=1F = A LIF .

a4 . . ‘o~ _ (3 . .
Khi d6 duong A c6 1 vecto phép tuyén # = IF = Z;_l nén ta co:

—(4—4m)=0<:>m=£.
16

un=0=1.

W

(THPT Ham Nghi- Ha Tinh -Lan 2-2018) Cho ham sé y = x—_i c6 dd thi (C) va dudng thing
X+

d:y=—x+m.Biét duong thang d ludn cit do thi (C) tai 2 diém phan biét 4, B véi moi tham
s6 m . Dat k,k, tuong ing 1a hé sb goc clia cac tiép tuyén tai 4,B. Tinh gia tri nho nhat cua
biéu thirc P = k' + k2182

A. P, =1. B. P. =3. C. P, =4. D. P, =2.

Loi giai

=Xy 2
x+1 (x+1)’
< 2 2
Suy ra dat k, = >, k= 5 X, #F—Lx, #-1,x, #x,.
(xA+1) (xB+1)

Phuong trinh hoanh d6 giao diém cta (C ) vad la:

x=1 . x#=-1
L NP

x+1

TR . o X Xy +x,=m=2
Ttr gid thict suy ra x,,x; 1a nghiém cua phuong trinh (*) = .
X, Xy, =—m—1

4 4
=k k, = - 1.
(xyxg+x,+x5+1)  (m—2—m—1+1)
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Céau 20.

Cau 21.

Suyra P=k "+ k2 2 2(k ok, )" = 2.

Dang thire xdy ra khi va chi khi k, =k, & x,+x,=—2 < m=0
(Co s6' boi dudng vin hoa 218 Ly Tw Trong - Quéan 1-2018) Cho ham sé y =x* —3x* —6x+4
c6 dd thi (C). Puong thing y=ax+b cit (C) tai hai diém phan biét M, N . Biét rang tiép

tuyén ciia (C) tai M,N c6 cing hé s6 gocla 2. Tinh a+b.

A. 4. B. 4. C.2. D. 2.
Loi giai
Y =3x>—6x-6
_3+\/§
Xét phuong trinh y' =2 < 3x° —6x—6=2<3x" —6x-8=0 < 3
3-33
X =
3
3+433 31433 ) —36-16433 3+4/33 —36-16/33
+) x= =y = =>M ;
3 3 9 3 9
3-33 3-33) —36+1633 3-33 —36+164/33
B N T T R S

] = duong thang MN co6 hé s6 goc k = —%.

MN ;
3 9

—( 233 32433

Puong thang MN c6 phuong trinh: yz—?(x—3+;/£]+_36_;6\/§
__1¢6
<:"J’=—E +i=> 3 :>a+b:—ﬁ+i:_4
3 3 3 3

2x° +3x+5
x+1
dd thila (C). Goi S 1a tap hop cée sb thye k sao cho trén (C) c6 hai diém phan biét M, N

(Co sé bdi dudng vin héa 218 Ly Tw Trong - Quén 1-2018) Cho ham sé y =

ma cac tiép tuyén cua (C) ¢6 cung hé sb goc k, dong thoi dién tich AOMN bang 6 (O 1a gbc
toa dg). Tinh té)ng tat ca cac sb thudc S .
A. 5. B. -3. C.0. D. 7.

Loi giai
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2D1-BT42:Lap PT Tiép Tuyén tai Tiép Diém. When the student is ready , the teacher will appear.

2x* +3x+5 , 4
-Tacod y= =2x+1+—:>y= - )
x+1 +1 (x+1)
, 4 . 4
=)V=ke2- s=k o x=-1% (voi k<2),dat a=,[——>0
x+1) - 2-k
4 4
=>M-=|-1-a;,-1-2a—— |, N=| -1+a;-1+2a+—
a a

2
= MN = (2a;4a +§j = MN =2a,/[1+ (2 +izj ; duong thang MN c6 phuong trinh:
a a

(2+i§]x—y+1+f§:o:»d(OﬂuN)z————JL———
a a

2 1+— 4
=6= AOMN: 2a 1+ —2
1+ 2+—
12-65

ki =—F+

a=3-J5 | 7-35
= .
a=3+\/§ 12+6\/§
ky=—F+

7+6\/§

c>a2—6a+4=0<:>{

Vay k,+k, =-3.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

BAI 43: LAP PHUONG TRINH TIEP TUYEN BIET HE SO GOC CUA

PUONG THANG.

A.LY THUYKET:

Bai toan:

Viét phirong trinh tiép tuyén cia do thi (C) (Y= f(x) biét hé s6 géc ciia tiép tuyén la k .

*

*» Cac dang bai toan:

Tiép tuyén ctia do thi (C) 1y = f(x) c6 hé sb
gocla k.

Tiép tuyén ctia d6 thi (C): y = f(x)biét tiép
tuyén song song voi duong thing
A:y=ax+b

Tiép tuyén cta d6 thi (C):y = f(x)biét tiép
tuyén vudng goc v6i dudng thing
A:y=ax+b
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing.

When the student is ready , the teacher will appear.

Tiép tuyén cua do thi (C ) y=f (x)biét tiép

tuyén tao voi truc Ox mot goc bang o

Tiép tuyén cua d6 thi (C): y = f(x)biét tiép
tuyén tao v6i duong thang d : y = ax + bmot
goc bang « .
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

B. Vi DU MINH HQOA

Cau 1.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cho duong cong (C ) :y=x". Tiép tuyén cua (C) ¢6 hé s6 goc k =12 c6 phuong trinh 1a
A. y=12x+16 hodac y=12x-16. B. y=12x+8 hoac y=12x-8.
C. y=12x+2 hoac y=12x-2. D. y=12x+4 hoac y=12x—-4.
Cho duong cong (C) :y=—x*—x"+6. Tiép tuyén cta (C) ¢6 hé s6 goc k = —6 c6 phuong trinh
la
A, y=—6x+1. B. y=—-6x+6. C. y=6x+10. D. y=-6x+10.
1 . L .

Cho duong cong (C ) iy = x_+1 . Tiép tuyén cua (C ) cO hé so goc k =-2 c6 phuong trinh la

x_

A, y=-2x+73. B. y=-2x+7 hodc y=-2x-1.
C. y=—2xhodac y=-2x+3. D. y=—2x+5hoac y=-2x+7.

2x—-1 ., . .
Cho dudng cong (C ) Y= x_2 . Tiép tuyeén cua (C ) c6 hé so goc k = —%c() phuong trinh 1a

3 3 3 1 3 13
A. y=——x+2hoac y=—-x+13. B. y=——x+—hoac y=—-x+—.
y 4 ac y 4 y 4 5 o y 4 >

3 3
C.y=—x-1. D.y=—x-2.
Y 4 Y 4

3
Phuong trinh ti€p tuyén ctuia do thi ham s6 y = %—sz +3x+1 ,biét tiép tuyén song song vdi

duong thang d: y=8x+2

1 7 2
A. y=8x+—,y=8x——. B. y=8x+—,y=8x.
v ;Y 3 y Y
11 -1 97 1 97
C.y=—x+—,y=—x——. D. y=8x+—,y=8x——.
YT T T Y 37 3

3
Phuong trinh tiép tuyén ctia do thi ham so6 y = x? —2x” +3x+1 ,biét tiep tuyen song song voi

duong thang d: y =3x+2

A. y=3x+101,y=3x—11. B. y=3x+1,y=3x_?‘
C. y=3x+2. D. y=3x+10,y=3x-1.

Cho duong cong (C) :y=—x"+3x. Tiép tuyén cia (C) vudng goc v4i dudong thang
d:x—9y+3=0c6 phuong trinh la

A. y=-9x+16 hodcy=-9x-16. B. y=9x+16 hodac y=9x-16.

C. y=-9x-20 hoacy=-9x+20. D. y=9x+20 hoacy=9x-20.
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.

2x-1 ., . _ .
Cau 8. Cho duong cong (C) 1y :1x_ . Tiép tuyén cua (C) vuong goc voi duong thang
-X

d :12x+3y+2 =0c6 phuong trinh 1a

1 13 1 5 1 13 1 5
A. y=—x+—hodcy=—x——. B. y=—x—— hodcy=—x+—.
4 4 4 4 4 4 4 4 4 4 4
1 13 1 5 1 13 1 5
C.y=—x+—hodcy=—x+—. D. y=—x—— hodcy=—x——.
4 4 4 4 4 4 d 4 4 4 4 4
. 2x+3 oL » . .
Ciau9. Chohamso y= T2 6 dd thi (C). Tiep tuyén cua (C)tao véi truc hoanh goc 45°co phuong
x_
trinh la
A. y=—x+1 hoacy=—x-1. B. y=—x—-11 hodcy=—x+1.
C. y=x+11 hoacy=x-1. D. y=—x+11 hoacy=—x-1.

Cau 10. Cho ham s6 y=2x"-3x>-12x-5c6 do thi (C). Tiép tuyén ciia (C)tao véi dudng thing

1 .
d:y=—5x+5 goc 45°co hé s6 goc 1a

1 1 1
A, 3;——. B.[;——. C.-3—— D. -3;—.
3 3 3
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

C. BAI TAP TREN LOP

Cau l.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

2 . . .
Cho dudng cong (C ): y =lx—+3. Tiep tuyén cua (C ) c6 h¢ s0 goc k =5 c6 phuong trinh 12
-X
A. y=5x+3 hodcy=5x-3. B. y=5x+1 hodacy=5x-15.
C. y=5x+3 hodacy=>5x. D. y=5x—-3 hoacy=5x-7.

Cho duong cong (C):y:—x3—3x+4. Tiép tuyén cia (C) song song v&i duong thang
d :15x+y+12=0c06 phuong trinh la

A. y=—15x+20 hodcy=-15x-12. B. y=-15x+20.
C. y=—15x-20 hodacy=-15x—40. D. y=—-15x-40 hoacy=-15x—-12.
\ 2x-3 . X ) N A . re \ 2
Cho duong cong (C):y= T Tiép tuyén cua (C) vuong goc voi duong thang
x—

d:y=—-x+66co phuong trinh 1a
A, y=—x+3 hoécyz—x—?. B. y=x-3 hoécyzx—?.

- 7 5 13
C.y=x+1 hoacy=x+§. D. y=x+3 hoacy=x+?.

1 » . .
Cho dudng cong (C):y = §x3 —2x* —3x+1. Ticp tuyén cta (C)cd hé s6 goc k =—7 c6 phuong
trinh Ia.

37 11 11
A p=—Tx+ol B. y=—Tx—. C.y=—Tr+—. D y=—Tx-=2.
Y 13 Y 3 Y 3 Y 3

Cho dudng cong (C):y=x’—6x"+9x. Tiép tuyén cia (C) song song v6i dudng thing
d :9x—y =0 c6 phuong trinh la

A. y=9x+40. B. y=9x-40. C. y=9x+32. D. y=9x-32.

Cho duong cong (C):yzi;;. Tiép tuyén cua (C) song song véi dudng thing
d :x+7y—5=0c6 phuong trinh la

A. yz—%x—g. B. y=—%x+§hoéc yz—%x—g.

C. yz—%x—ghoéc y=—%x+§. D. y:—%x+§.

Cho dudng cong (C):y=x’-3x+2. Tiép tuyén cia (C) vudng géc véi duong thing
d :x+9y—1=0c6 phuong trinh la.

1 1 1 1
A. y=——x+18 hoac y=——x+5. B. y=—x+18 hoac y=——x+5.
Yy 9 ac y 9 y 9 ac y 9

C. y=9x+18 hoac y=9x-14. D. y=9x+18 hodc y=9x+5.
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cho dudng cong (C): y=—x*+x>. Tiép tuyén cua (C)c6 hé s6 géc k =2 c6 phuong trinh 1a
A. y=2x+21 hodc y=2x+32. B. y=2x hodc y=2x+2.
C.y=2x+2 D. y=2x hodac y=2x+3.

Cho duong cong (C) (y=x —3x+1. Tiép tuyén cia (C) ¢6 hé s goc k =9 c6 phuong trinh 1a

A. y=9x+16 hodac y=9x-15. B. y=9x+16 hoac y=9x—-16.
C. y=9x+17 hoac y=9x-15. D. y=9x—-17 hoac y=9x+15.
2x+1

Cho duong cong (C): y= . Tiép tuyén cua (C) song song voi dudng thing
X+

d :3x—y+2=0co6 phuong trinh 1a

A. y=3x—-4. B. y=3x+2. C. y=3x+14. D. y=3x+4.

Cho ham s6 y=x’—3x? ¢6 dd thi (C). Goi M la diém thugc dd thi (C)cé hoanh d¢ bang 1.
Vi gia tri ndo cia tham sé mthi tiép tuyén cua (C) tai M song song véi dudng thing
a’:yz(m2 —4)x+2m—1

A.m=1. B. m=-1. C.m=2. D.m=-2.
Chohamsd y=x*—2(m+1)x> +m+2 c6dd thi (C). Goi M 1a diém thudc do thi (C)cé hoanh
do bang 1. V&i gid tri ndo ctia tham s6 m thi tiép tuyén cua (C ) tai M vudng goc véi duong
thang d :x—4y+1=0

A.m=1. B. m=-1. C.m=2. D.m=-2.

Cho ham s6 y =—x"+3x* +(2m—1)x+2m—3 c6 do thi (C,).Véi gia tri nao cta tham s6 m thi

tiép tuyén c6 hé s goc 16n nhét cua do thi (Cm) vudng goc v6i dudng thing d :x—2y—4=0

A.m=-2. B. m=-1. C.m=0. D. m=4.
\ e A A - 2x—-4 . .., , 2
Phuong trinh tiép tuyén cia do thi (C):y = " tai diém M c6 dang y =kx+m. Bict tiep
x+
tuyén tai M song song v6i duong thing d :3x—2y+19=0.Khi d0, k +m co gia tri bang
A.11. B. 4. C. -8. D.-1.

cit duong thang

\ ~ £ ., . z PR . , . z 2x+3
Tim tap hop tat ca cac gia tri tham s m dé do thi (C ) cia ham s6y = 1
X+

y =2x+m’ tai hai diém phan biét ma hai tiép tuyén cia (C) tai hai diém dé song song véi nhau.

A {2} . B. {/2:42]. C. {-L1}. D.{-2:2}.

Cho ham s0 y =2x*—3x*+5 ¢6 dd thi (C).Goi d : y = kx+m 1a tiép tuyén cta (C)tai diém c6

hé sb goc tiép tuyén nho nhat. Tisd T =2m: k co gia tri bang
A T=-7. B.T=-5. C.T=5. D.T=7.

Cho ham s6 y =x* —3x+2 ¢6 d6 thi (C). Hai diém A4, B thudc (C)sao cho tiép tuyén cta (C)

tai 4Ava Bsong song voi nhau va do dai doan 4B = 4213
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

Cau 18.

Cau 19.

Cau 20.

A A(-251),B(2;-3)  B.A(-2;0),B(24). C. A(0;-1),B(4;3). D. A(-3;2),B(1;-2).

D thi (C ) ctia ham s6 y = x* —2x% +1¢6 bao nhiéu tiép tuyén song song véi truc hoanh

A. 0. B. 1. C.2 D. 3.

ax+b

Cho duong cong (C ) Y= cit truc tung tai diém A co6 tung do bang —1 .Tiép tuyén cua

(C) tai Aco hé sb gbc k=-3.Cacgiatricua ava bla

A.a=1b=1. B.a=2b=1. C.a=1b=2. D.a=2,b=2.

1 1 . ,, .
Cho duong cong (Cm):y=§x3—%x2+§ va diem M €(C,), bict x,, =—1. Tim m dé tiep
tuyén cua (Cm)tai M song song duodng thing d:5x—y =0
A.m=4 B. m=—4. C. m=1. D.m=-2.
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.

D. BAI TAP REN LUYEN

Cau 1.

Cau 3.

Cau 5.

Cau 6.

Cho dudng cong (C):y =x"+2x+1. Tiép tuyén ctia (C)cd hé s6 géc k =5 c6 phuong trinh la
A. y=5x+1 hodac y=5x+3. B. y=5x—1 hoac y=5x-3.
C. y=5x—1 hoac y=5x+3 D. y=5x+1 hoac y=5x-3.

Cho duong cong (C):yzx—Jr?.Tiép tuyén cua (C) vudng goéc véi duong thang
x+
d:2x—-y+1=01a

I 5 1 3 I 5 I 3

A. y=——x——hodc y=——x+—. B. y=——x+— hodc y=—>x——.

4 2 2 4 2 2 4 2 2 4 2 2
C. y=2x+3 hoacy=2x-7. D. y=2x-5 hoacy=2x-7.

Cho ham sé y = x* —3mx? +(m+1)x—m. Goi A la giao diém cua d6 thi ham sb véi truc Oy.

Khi d6 gia tri m dé tiép tuyén cta do thi ham s tai 4 vudng goc véi duong thang A:y=2x—-3

A. % . B. ——. C. D.dap s6 khac.

N | —

Cho ham s6 y =x" —2x% +2x ¢6 do thi (C). Goi x,, x,1a hoanh d¢ cac diém M , N trén (C)ma

tai do tiép tuyén cua (C ) vudng goc véi duong thang y =—x+2019. Khi d6 X, +x,c06 gia tri la

Al B. -2 c.i D. 2.
3 3 3
. X2 +3x+2 X £ , N , - R 2
Cho duong cong (C): y=—2. Tiép tuyén cua (C) vuéng goc voi duong thang
X+
d:4x+y+6=0 co phuong trinh la
1 5 1 1 1 5 1 1
A. y=—x—— hodgc y=—x——. B. y=—x+— hodc y=—x+—.
I R R R
1 5 1 1 1 5
C.y=—x—— hodc y=—x+—. D. y=—x+— hodc y=—x——.
I R e

Tim m dé tiép tuyén ctia do thi ham s (C) Y= (2m—1)x4 -m +§tai diém c6 hoanh do bang

—1 vudng goc voi duong thang d &:2x—y—-3=0.
A.ng. B.mzl. C.mzl. D.m=i.
4 4 16 16
Cho duodng cong (C):yzx3 +3x% —6x+1. Tiép tuyén cia (C) vuong goc véi duong thang
d:x+18y+18=0c06 phuong trinh la
A. y=18x+8 hodc y=18x-27. B. y=18x+8 hodc y=18x—-2.
C. y=18x+81 hodc y=18x-2. D. y=18x+81 hodc y=18x-27.
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Céau 16.

2
Cho duong cong (C): y = # Tim céc diém trén (C)ma tiép tuyén tai d6 voi (C) vudng
x—

goc voi duong thang d : y = x +4 ¢6 phuong trinh 1a
A (1443;5+343):(1-43;5-343) B. (212).

C. (0;0). D.(-2;0).

Cho duong cong (C): y =x*+x. Tiép tuyén cua (C) vudng goc véi dudng thang d :x+5y =0

c6 phuong trinh la
A. y=5x-3. B. y=-3x-5. C. y=2x-3. D. y=x+4.

Cho duong cong (C):yz)c3 +3x* —8x+1. Tiép tuyén cua (C) song song voi dudng thing
d : x—y =0c06 phuong trinh 1a

A. y=x—4 hodc y=x+28 B. y=x+4 hodc y=x+28.

C. y=x—4 hogc y=x-28. D. y=x+4 hogc y=x-28.

Cho duong cong (C):y =x* —3x+1. Tiép tuyén cua (C) ¢6 hé sb goc k =9 c6 phuong trinh 1a
A. y=9x+16 hodac y=9x-15. B. y=9x+16 hoac y=9x-16.
C. y=9x—15 hoac y=9x+17. D. y=9x—-16 hodac y=9x+15.

Cho duong cong (C):y=x’—3x+1. Tiép tuyén cta (C) vudng gbe v6i duong thang truc Oy
c6 phuong trinh la

A. y=2 hodc y=-1 B. y =3 hodc y=-1.

C. y=3 hodc y=-2. D. x=3 hodc x=-1.

2
Cho ham s6 y = ax —bx

¢6 do thi (C) bé (C)di qua A(—l;%j va tiép tuyén cia (C)tai gbe
toa d6 co hé sb goc k =—3thi mdi lién hé gitta @ va b 1a
A. da-b=1 B. a—4b=1. C. 4a-b=0. D. a-4b=0.

Cho ham sb y = ax+2
bx+3

¢ dd thi (C) Tai diém M(—2;—4) thudc (C) tiép tuyén cua (C) song

song v&i dudng thang d : 7x—y+5="0 thi mbi lién hé giita a va bla
A.b-2a=0 B. a-2h=0. C.b-3a=0. D.a-3h=0.

x+b

Cho ham s6 y = c6 d6 thi (C). Tai diem M (1;-2)thudc (C) tiép tuyén cua (C)song

ax —

song v6i dudng thang d :3x+y—-4=0.Khido giatri T=a+bla

A.T=a+b=2 B.T=a+b=2. C.T=a+b=2. D.T=a+b=2.
\ J S—4x , . - X L, o \ 2 .
Chohamso y = 32 c6 do thi (C) Ti€p tuyén cua (C)tao véi duong thang d: y=3x—1 goc
-2x
45° c6 phuong trinh 1a
A. y=-2x-3 hodacy=-2x-7. B. y=—x—-1 hodcy=—x+5.
C. y=x+11hoacy=x-7. D. y=-2x+7hodacy=-2x+3.
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.

Caul7. Cho ham sb y=+3x’+4co dd thi (C). Tiép tuyén ciia (C)tao véi duong thang
d: \/gy—x+6 =0 goc 30°co phuong trinh 1a

A.\/gx—y+\/§=0 hoacy=4. B. y= P+ ks f
11+\/§
3

11-4/3

C.y=4. D. y=4 hoécy=\/§x+ hoécy=\/§x+

X2 +3x+3

Cau 18. Cho duong cong (C):y= . Tiép tuyén cia (C) song song véi duong thing

d:y=-3x+2co phuong trinh la

A. y=-3x-3 hodc y=-3x-11. B. y=-3x-3 hodc y=-3x+11.
C. y=-3x+3 hogc y=-3x-11. D. y=-3x-3 hodc y=3x-11.

Cau19. Goi Sla tap cac gia tri ciia tham s6 m dé do thi ham sb y = x* —2x* + m—2c6 dung mot tiép
tuyén song song véi truc Ox . Tim tong cac phan tir cia S .

A, 2. B. 5. C.-5. D. 3.

Ciu 20. Cho hamsé y=x*—2m’x* +2m+1 c6 do thi (C) Tap cac gia tri ciia tham s6 m dé tiép tuyén
cia (C)tai giao diém ciia (C)va dudng thang d:x=1 song song v6i duong thing
A:y=-12x+4.

A. {2;3}. B. {—2;2}. C. {—2;3} . D. {—3;3}.
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Luyén mii thanh tai- miét mai tit gioi.

2D1-BT43:Lap PTTT Biét HSG ciia PG Thing.

BAI 43: LAP PHUONG TRINH TIEP TUYEN BIET HE SO GOC CUA

PUONG THANG.

A.LY THUYKET:

Bai toan:

Viét phirong trinh tiép tuyén cia do thi (C) (Y= f(x) biét hé s6 géc ciia tiép tuyén la k .

% Cac dang bai toan:

Tiép tuyén cua do thi (C) Y= f(x) c6 hé sb
gocla k.

PP:

+Goi M (x,: /(%)) 1a tiép diém.

+ Theo dé bai: f'(x, ) =k (*)

+Giai phuong trinh (*), tim duogc x, = f(x,).
+Phuong trinh tiép tuyén can tim la:

y=1"(x)(x=x)+ f(x)

Tiép tuyén cua do thi (C ) y=f (x)biét tiép
tuyén song song voi duong thang
A:y=ax+b

PP:
+Goi M(xo;f(x0 )) 1a tiép diém.

+Tiép tuyén cua (C):y = f(x)song song véi
Ary=ax+b

= f'(x)=a(*)

+Giai phuong trinh (*), tim duoc x, = f(x,).
+Phuong trinh tiép tuyén can tim la:
y=1"(x%)(x=x )+ f (%)

Luu y: phai loai di phuong trinh tiép tuyén nao tring
v6i phuong trinh cia duong thang A.

Tiép tuyén cua d6 thi (C): y = f(x)biét tiép
tuyén vudng goc v6i dudng thing
Ary=ax+b

Tiép tuyén cua do thi (C ) y=f (x)biét tiép
tuyén tao véi truc Ox mot goc bang o

PP:
+Goi M (x,: /(%)) 1a tiép diém.
+Tiép tuyén cua (C ) y=f (x)vuf)ng goc voi
Ary=ax+b
, -1
= /(%)=
+Giai phuong trinh (*), tim duoc x, = f(x,).
+Phuong trinh tiép tuyén can tim la:
y= (%) (x=x)+ f (%)
Pp:
+Goi M (x;/(x,))1a tiép diém.
+Tinh f'(x)
+Giai phuong trinh ‘ (% )‘ =tana , ta tim

duge x, = f(x,).

+Phuong trinh tiép tuyén can tim la:
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing.

When the student is ready , the teacher will appear.

y:f’(xo)(x—x0)+f(x0)

Tiép tuyén cta do thi (C) Y= f(x)biét tiép
tuyén tao véi duong thang d : y = ax +bmot
goc bang « .

PP:

+Goi M (xy;/(x,))1a tiép diém.

+Tinh f"(x)

+ tiép tuyén tao v6i dudng thing d : y = ax +bmot

=tan« , ta tim duoc k.

g6c bang a nén ta co:

1+ka
+ Giai phuong trinh f”(x, ) =k, ta tim duoc
X, = f (xo) .

+Phuong trinh tiép tuyén can tim la:

y= 1 (%) (x=x)+ [ (%)

B. Vi DU MINH HQA

Caul. Cho duong cong (C ) :y=x". Tiép tuyén cua (C ) ¢6 hé s goc k =12 co phuong trinh 1a

A. y=12x+16 hoac y=12x-16.
C. y=12x+2 hoac y=12x-2.
Loi gidi:

Chon dap an A.

Goi M (x,;,)1a tiép diém.
Taco: y' =3x>.

Theo dé bai: k=3x =12 {
Phuong trinh tiép tuyén cia (

Phuong trinh tiép tuyén cta

B. y=12x+8 hoac y=12x-8.
D. y=12x+4 hoac y=12x-4.

Xp=2=y,=8
X, =—2=y,=-8

C)tai M (2;8)1a:y=12(x~2)+8=12x-16.
C)tai M (2;8)1a:y=12(x+2)-8=12x+16.
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

Cau 2.

Cau 3.

Cho duong cong (C):y=—x"—x"+6. Tiép tuyén ctia (C)c6 hé s6 goc k = —6 ¢6 phuong trinh
la

A, y=—6x+1. B. y=—-6x+6. C. y=6x+10. D. y=—6x+10.

Loi gidi:

Chon dap an D.

Goi M(xo;yo) 1a tiép diém.

Taco: y'= —4x* —2x.

Theo dé bai: k =—4x, —2x, =—6 < x, =1

Phuong trinh tiép tuyén cia (C) tai M (1;4) la:y= —6(x—1) +4=—-6x+10.

x+1

Cho duong cong (C): y :—1. Tiép tuyén cia (C ) 6 hé sb goc k = —2 c6 phuong trinh 1a
x_

A, y=-2x+73. B. y=-2x+7 hoac y=-2x-1.

C. y=—2xhodc y=-2x+3. D. y=-2x+5hodc y=-2x+7.

Loi giai:

Chon dap an B.

Goi M (xy;, )14 tiép diém.
-2

Taco: y'=
(x=1)

Theo dé bai: k =

2 _, [xo=2:>yo=3
xo—l)2 X, =0=y,=-1

Phuong trinh tiép tuyén cta (C) tai M (2;3) la:y = —2(x - 2) +3=-"2x+7.
Phuong trinh tiép tuyén cua (C)tai M (0;—1)la: y =-2(x—0)-1=-2x-1.
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Cau 4.

Cau 5.

Cho duong cong (C):y = 2x_—21 . Tiép tuyén ctia (C)c6 hé s6 goc k = —%cé phuong trinh 1a

3 3 301 313
A. y=->x+2hodc y=->x+13. B. y=—_x+—hofic y=—"x+—.
y==7 e y==7 B. y=—7x+-hofe y=—"x+-

3 3
C.y=—x-1. D. y=—>x-2.
YTy YTy

Loi giai:

Chon dap an B.

Goi M (x,;,)1a tiép diém.
-3

Taco: y'= .
(x-2)°
-3 3 X =4=Y, Z%
Theo dé bai: k=— 5= |
(x0—2) X =0=y,=—-
2
Phuong trinh tiép tuyén cta (C)tai M 4;Z lé:yz—z(x—4)+1=—zx+£.
2 4 2 4 2
Y I . 1), 3 1 3 1
Phuong trinh ti€p tuyén cua (C)tal M 0;5 la:y:—z(x—O)+E:—Zx+5.

. e £ , NIRRT £ X SAL A £ e
Phuong trinh tiép tuyén cua do thi ham s6 y = ?—2x2 +3x+1 ,bict ti€p tuyen song song véi

duong thiang d: y =8x+2

1 7 2
A, y=8x+—,y=8x——. B. y=8x+—,y=8x.
y 3 y 3 y 3 y
-1 11 -1 97 11 97
C.y=—x+—,y=—x——. D. y=8x+—,y=8x——.
4 8 3 7 8 3 N 3 7 3

Loi giai:
Chon dap an D.
Goi M(xo;yo) 1a tiép diém.

Tacod: y' =x"—4x+3.

Tiép tuyén song song v6i dudong thiang d : y =8x+2nén y'(xo) =8

o xp —4x,+3=8¢<

Phuong trinh tiép tuyén cta (C) tai M(—l;—?] la:y = 8(x+1)—? = 8x+%.

Phuong trinh tiép tuyén cta (C) tai M[S;?) la:y = 8(x—5)+? = 8x—?.
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3
A . -4 e , TR A X SR A e L.
Cau 6. Phuong trinh tiép tuyén cua do thi ham s6 y = N 2x” +3x+1 ,bict tiep tuyen song song véi

duong thang d: y =3x+2

A. y=3x+101,y=3x—11. 5y=3x+1,y=3x_%_
C. y=3x+2. D. y=3x+10,y=3x-1.
Loi giai:

Chon dap an B.
Goi M (xy;,) 12 tiép diém.

Tacod: y' =x"—4x+3.

Tiép tuyén song song voi duong thang d:y =3x+2nén y'(x,)=3
X=0=y,=1

S x —4x,+3=3 7
x0:4:>y0:§

Phuong trinh tiép tuyén cia (C) tai M (0;1) la:y = 3(x - 0) +1=3x+1.
. £ L, . 7)., 7 29
Phuong trinh tiép tuyén cua (C)tal M 4;5 la:y= 3(x—4)+§ = 3x—?.
Cau7. Cho duong cong (C ) :y=—x"+3x. Tiép tuyén cia (C ) vudng goc voi dudng thang
d:x—9y+3=0c6 phuong trinh la

A. y=-9x+16 hoac y=-9x-16. B. y=9x+16 hoacy=9x-16.
C. y=-9x—-20 hodcy=-9x+20. D. y=9x+20 hodacy=9x-20.
Loi giai:

Chon dap an A.
Goi M (xy;, )14 tiép diém.
Tacod: y'=-3x"+3.

Tiép tuyén vudng goc véi duong thang d:x-9y+3=0nén
Xg=2=y,=-2

1
"(x,)=—=<=-3x'+3="9 <=
y(o) 1 0 Xg=—2=y,=2

9
Phuong trinh tiép tuyén cua (C)tai M (2;-2)la: y=-9(x—2)—2=-9x+16.

Phuong trinh tiép tuyén cia (C) tai M(—2;2)12‘1: y= —9(x+ 2)+2 =-9x-16.
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Cau8. Cho duong cong (C):y= ? Tiép tuyén cua (C)vudng goc v6i dudng thiang
- X

d :12x+3y+2 =0 co6 phuong trinh la

113 1 5 113 1 5

A. =—X+— hOéC =—X—. B. =—X— hOéC =—X+—.
I T YR Y
113 1 5 113 1

C. =—X+— hOéC =—X+—. D. =—X— hOéC =—X—.

TG T - 4 Ty

Loi giai:
Chon dap an D.
Goi M(xo;yo) 1a tiép diém.

Taco: y'= ! .
(1-x)
e J4 N r 7, \ = A 4 1 ! 1
Tiép tuyén vudng goc véi duong thing d:12x+3y+2=0nén y (xo)z—(—4)<:>y (xo):Z
1 1 Xg=3=>y,=-—
= > :Z = 3
(l—xo) Xo=—1=y,=—=
2
iy ; . 5 1 5 1 13
Phuong trinh tiép tuyén cua (C)tait M| 3;—— |la: y=—(x-3)——=—x——.
g inh iép uyén i (C)ta M (-3 Jis = (5-3)- 3= -1
Phuong trinh tiép tuyén cta (C)taiM —1'—é la: —l(x+1)—§—lx—E
' )T 2 4 4
A \ £ 2x+3 . % A, L \ . 0,
Cau9. Chohamso y= 3 c0O do thi (C) Ti€p tuyén cua (C)tao v6i truc hoanh goc 45" c6 phuong
x_
trinh 1a
A. y=—x+1 hoacy=—x-1. B. y=—x—-11 hoacy=—x+1.
C. y=x+11hoacy=x-1. D. y=—x+11 hoacy =—x—1.

Loi giai:

Chon dap an D.

Goi M(xo;yo) 1a tiép diém.
-9

(x=3)"

Taco: y' =

Tiép tuyén cua (C ) tao voi truc hoanh goc 45°nén

% 9 zlc{xo—zcs @{x0=6:>y0=5

"(x,)| = tan45°
f'(%)|=tands* = : X-3=-3 |x,=0=y,=-1

(% -3)
Phuong trinh tiép tuyén cta (C)tai M (6;5)la:y=-1(x—6)+5=—x+11.
Phuong trinh tiép tuyén cia (C) tai M(O;—l)lé: y= —l(x—O) —l=—x-1.
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing.

Cau 10. Cho ham s6 y=2x"-3x’-12x-5c6 d6 thi (C). Tiép tuyén ciia (C)tao véi dudng thang

d:y=—%x+5 goc 45°¢co hé sb goc la

1 1
A.3——. B.\3;——.
3 3
Loi giai:
Chon dap an D.
Goi M (xy;,) 12 tiép diém.
Taco: y' =6x" —6x—12.

d:y=—%x+50(') hé s6 goc bang —%

C.-3——

=
&

Tiép tuyén cia (C) tao véi duong thing d:y=—%x+5 goc  45%°nén
‘ y'(xo)+l ‘ y'(x)=l

2 _|-tan45’ < !
1+y’(x0).(—2j‘ V'(x)=-3
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.
C. BAI TAP TREN LOP

2 > o, .
Caul. Cho duong cong (C ) Y= 1x_+3 Ti€p tuyén cua (C ) co h¢ s géc k =5 cé phuong trinh 1a
-X

A. y=5x+3 hoacy=5x-17. B. y=5x+1 hoac y=5x-15.
C. y=5x+3 hodac y=>5x. D. y=5x-3 hodacy=5x-7.
Loi giai:

Chon dap an A.

Goi M (xy;¥,)1a tiép diém.

Taco: y' =

(1-x)"
=0 =3
> -=5 © ==
(1-x,) Xy =2=y,=-1
Phuong trinh tiép tuyén cta (C)tai M(0;3)lé1:y =5(x—0)+3 =5x+3.
Phuong trinh tiép tuyén cia (C)tai M(2;—7) la:y = 5(x—2)—7 =5x-17.

Theo dé bai: k =

Cau2. Cho dudng cong (C):y=-x’-3x+4. Tiép tuyén ctia (C) song song véi duong thing
d :15x+ y+12 =0 c6 phuong trinh la
A. y=—15x+20 hoacy=—-15x-12.
C. y=—15x-20 hodacy=-15x—-40.
Loi giai:
Chon dap an B.
Goi M(xo;yo) 1a tiép diém.

—15x+20.

B. y=
D. y=—-15x—-40 hoacy=-15x-12.

Tacod: y' =-3x"-3.

: X, =2=y,=-10

Theo dé bai: k = -3x2 ~3=—15 < | ° Yo
X, =—2=y,=18

Phuong trinh tiép tuyén cua (C)tai M (2;-10)1a: y =-15(x—2)—10=—15x+20 (nhan).

Phuong trinh tiép tuyén cua (C)tai M (—2;18)1a: y =—15(x+2)+18 =—15x—12 (loai).

2x — iy ‘ . . .
Cau3. Cho duong cong (C):y:x—f. Tiép tuyén cua (C) vuéng goc voi duong thang
x_

d:y=—x+66co phuong trinh la

A y=—x+3 hoacy:—x—?. B. y=x-3 hoécy:x—?.
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Cau 4.

Cau 5.

C.y:x+1 hOéC)/ZX'i‘%. &y:x+3 h();:icy:x_yg_

Loi giai:
Chon dap an D.
Goi M (xy;¥,)1a tiép diém.

Ta co: y':( 1)2 .
x—

! X, =0=>y,=3

Theo dé bai: k=——— =1 7
(x0+1) x0:_2:>y():§

Phuong trinh tiép tuyén cia (C) tai M(O;3) la:y= 1(x—0)+3 =x+3.

Phuong trinh tiép tuyén cua (C)tai M(—2;%) lary=1(x+ 2)+% = x+§.

1 y . .
Cho duong cong (C) y= §x3 —2x* =3x+1. Tiép tuyén cua (C) c6 hé s6 géc k£ =—7 c6 phuong

trinh 1a.
37 11 11 29
A y=—"Tx+— B. y=-""7x——. C.y=-"Tx+—. D.y=-"7Tx——.
4 13 4 3 — i 3 4 3

Loi giai:
Chon dap an C.
Goi M(xo;yo) 1a tiép diém.
Tacod: y' =x"—4x-3.
Theo dé bai: k=x; —4x,-3=-7 < x, =2= ¥, =—%

. £ £, . 31).. 31 11
Phuong trinh tiép tuyén cua (C) tai M 2;—? la:y = —7(x—2)—? = —7x+?.

Cho dudng cong (C):y=x’—6x"+9x. Tiép tuyén cua (C) song song véi dudng thing
d :9x—y =0 c6 phuong trinh 1a

A. y=9x+40. B. y=9x-40. C. y=9x+32. D. y=9x-32.

Loi gidi:

Chon dap an D.

Goi M(xo;yo) 1a tiép diém.

Tacé: y' =3x>—12x+9.

Tiép tuyén cua (C ) song song voi duong thing d:9x—y=0 nén
X=0=y,=0

"(x,)=9 <= 3x>-12x,+9=9 <
Y (x) 0 0 x,=4=>y,=4
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Phuong trinh tiép tuyén cia ( C ) tai M (0; 0) la: y = 9x (loai).
Phuong trinh tiép tuyén cta (C) tai M (4;4) la:y = 9(x - 4) +4 =9x—-32(nhan).

Cau 6. Cho duong cong (C):yzs_;. Tiép tuyén cua (C) song song véi dudng thing
X+
d :x+7y—5=0c6 phuong trinh la
1 23 1 5 1 23
A y=—-x——. B. y=——x+—=-hodc y=—>x——.
d 7 7 N 7 7 4 7 7
1 5 1 23 1 23
C. y=——x—=hodc y=——x+—. D. y=—x+—.
d 7 7 4 7 7 d 7 7

Loi gidi:
Chon dap an B.
Goi M (xy;, )14 tiép diém.

Ta co: y'=_—72.
(x+2)
Tiép tuyén cua (C) song song voi duong thing d:x+7y-5=0 nén
— X, =—9=>y,=-2
BT
7 (x+2) 7 Xy =5=y,=0
Y T . . 1 1 23
Phuong trinh tiép tuyén cta (C)tal M(—9;—2)1a:y :—7(x+9)—2 = —7x—7.

Phuong trinh tiép tuyén cua (C)tai M (5;0)l1a: y = —%(x—5)+0 = —%x+§.

Cau7. Cho duong cong (C ) :y=x"—3x+2. Tiép tuyén cia (C ) vudng goc voi duong thing
d :x+9y—1=0c6 phuong trinh la.

1 1 1 1
A. y=——x+18 hodc y=——x+5. B. y=—x+18 hodc y=——x+5.
y 9 ac y 9 y 9 ac y 9
C. y=9x+18 hoac y=9x-14. D. y=9x+18 hodac y=9x+5.
Loi giai:

Chon dap an C.

Goi M(xo;yo) 1a tiép diém.

Tacod: y' =3x>-3.

Tiép tuyén cua (C) vuong goéc voi  duong thing d:x+9y—-1=0 nén

, 1 ' ~ 2 Al X,=2=>y,=4
V(%)= _1<:>y(x0)—9<:>3x0 3_9©[x0:—2:>y0=0

9
Phuong trinh tiép tuyén cta (C) tai M(2;4) la:y = 9(x—2)+4 =9x-14.
Phuong trinh tiép tuyén cua (C)tai M (5;0)la:y =9(x+2)+0=9x+18.
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Cau 8.

Cau 10.

Cho duodng cong (C ) :y=—x*+x7. Tiép tuyén cia (C ) ¢6 hé s6 goc k =2 c6 phuong trinh 13

A. y=2x+21 hodc y=2x+32. B. y=2x hodac y=2x+2.
C. y=2x+2 D. y=2x hoac y=2x+3.
Loi giai:

Chon dap an C.

Goi M(xo;yo) 1a tiép diém.

Tacod: y' =—4x’ +2x.

Theo d& bai: k =—4x; +2x, =2 x, =—-1=>,=0

Phuong trinh tiép tuyén cia (C) tai M(—l;O)lé: y= 2(x+1)+0 =2x+2.

Cho duong cong (C) :y=x"=3x+1. Tiép tuyén cia (C) 6 hé s goc k =9 c6 phuong trinh 1a

A. y=9x+16 hoac y=9x-15. B. y=9x+16 hoac y=9x-16.
C. y=9x+17 hodac y=9x-15. D. y=9x—-17 hoac y=9x+15.
Loi giai:

Chon dap an C.
Goi M (x,3,)1a tiép diem.
Taco: y' =3x>-3.
Theo d& bai: k:3x§—3:9<:{x0 =2= =3
Xp=—2=>y,=-1
Phuong trinh tiép tuyén cia (C)tai M(2;3)1é1: y= 9(x—2)+3 =9x-15.

Phuong trinh tiép tuyén cta (C) tai M(—2;—1) la:y= 9(x+ 2)—1 =9x+17.

Cho dudng cong (C):y=2x+21. Tiép tuyén cua (C) song song véi duong thing
X+

d :3x—y+2=0c6 phuong trinh 1a

A. y=3x-4. B. y=3x+2. C. y=3x+14. D. y=3x+4.
Loi giai:

Chon dap an C.

Goi M (xy5,)1a tiép diém.

Taco: y' = 3 >
(x+2)
Tiép tuyén cua (C) song song v6i duong thang d:3x-y+2=0 nén
, , 3 Xp=—1=y,=-1
x)=3<)(x)=3——-=3<
Vn)=3e ) =39 s X, =3, =5

0988323371 | Bién soan va suu tim: T6 Qubc An
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Cau 11.

Cau 12.

Cau 13.

Phuong trinh tiép tuyén cia (C) tai M(—l;—l) la:y= 3(x—1)+1 =3x—2 (loai).
Phuong trinh tiép tuyén cta (C) tai M (—3;5)1&‘1: y= 3(x + 3) +5=3x+14 (nhan)

Cho ham s6 y =x’—3x> ¢6 do thi (C). Goi M la diém thugc do thi (C)c6 hoanh d¢ bang 1.
Véi gia tri nao ciia tham sd mthi tiép tuyén cua (C) tai M song song voi duong thing
d:yz(m2 —4)x+2m—1

A.m=1. B. m=-1. C.m=2. D.m=-2.

Loi giai:

Chon dap an B.

Tacod: y' =3x"—6x= y'(l) =-3

Phuong trinh tiép tuyén cta (C) tai M(l;—2) € (C) la: Aty= —3(x—1)—2 hay A:y=-3x+1

m=1

—_ = 2_
3=m 4<:> [mz—l@mz—l

Khido: A//d <
2m—-1#1

m#1

Chohamsd y=x*=2(m+1)x> +m+2 c6dd thi (C). Goi M ladiém thudc dd thi (C)cé hoanh
do bang 1. V6i gia tri ndo ctia tham s6 m thi tiép tuyén cua (C ) tai M vudng goc véi duong
thaing d :x—4y+1=0

A.m=1. B. m=-1. C.m=2. D. m=-2.

Loi gidi:

Chon dap an B.

Taco: y'=4x’ —4(m+1)x

Goi A 1a tiép tuyén cia (C) tai M . Khido A c6 hé sd goc 1a y'(1)=—4m.

1 1
dix-4y+1=0=>y=—x——
y y R

Khidé: Ald e -4m=——<m=1

Cho ham s6 y=—x"+3x’ +(2m —1)x+ 2m—3 c6 do thi (Cm) .V6i gia tri nao ctia tham s m thi
tiép tuyén c6 hé s6 goc 16n nhét cia do thi (Cm) vuodng goc v6i dudng thang d :x—2y—4=0
A.m=-2. B. m=-1. C. m=0. D. m=4.

Loi giai:

Chon dap an B.
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Cau 14.

Cau 15.

Tacé: ' ==3x"+6x+2m—1==3(x’ =2x+1)+2m+2=-3(x—1) +2m+2<2m+2,VxeR.
Khi d6: GTLN cua y'la 2m+2,dattai x, =1= y, =4m-2.
Goi A 1a tiép tuyén cua (C) tai M (L;4m—2).Khido A c6 hé sb gocla y'(1)=2m+2.

d:x—2y—4=0:>y=%x—2

Khi do: AJ_d<:>2m+2=—%<:>m:—2.
2
s - X e 5 X 41 2x -4 s g R , N
Phuong trinh ti€p tuyén cua do thi (C ) (y= . tai diem M co dang y =kx+m. Biét tiep
X+
tuyén tai M song song v6i dudng thing d :3x—2y+19=0.Khi d0, k +m co gia tri bang
A.11. B. 4. C. -8. D.-1.

Loi giai:
Chon dap an D.
Goi M(xo;yo) 1a tiép diém.

Taco: y'= 6 >
(x+1)
Tiép tuyén cua (C)tai Msong song v6i duong thing d:3x—2y+19=0nén
x,=l=y,=-1
y'(xo):§<:> 6 :§<:> 0 Yo

27 (tl) 2 [m=3=y,=5

\ £ £, . . 3 3 19 .
Phuong trinh tiép tuyén cua (C) tai M(—3;5)1a: d:y= E(x+3)+5 =3 =§x+?(loal).
Phuong trinh tiép tuyén cua (C)tai M (L-1)la: d:y = %(x—l)—l S y= %x—% (nhan)

Vay kzi,m=—§:>k+m:—1.
2 2

X A Ky o n s g . £ 2 aX - , \ £ 2x+3 . R 2
Tim tép hop tat ca cac gia tri tham s6 m dé do thi (C) cua ham s0 y = cat duong thang

x+1

y = 2x+m” tai hai diém phan biét ma hai tiép tuyén cua (C ) tai hai diém d6 song song v6i nhau.
A {2). B. {2:42}. C. {-L1}. D.{-2;2}.
Loi giai:
Chon dap an D.
-1

Ta co: y’:( +1)2 .
X
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Cau 16.

Cau 17.

Phuong trinh hoanh d¢ giao diém cua (C)Vé duong thing y=2x+m’la:

dudng  thang  y=2x+m’cit (C)tai 2 diém phan  biét khiac -1
e m'—4(m’=3)>0< m* —4m’ +12>0,Ym
Goi x,,x,1a nghiém cua (*) . Khi d6 hai tiép tuyén cua (C ) tai Ava Bsong song véi nhau khi

x,=x,(/)

va chi khi y'(x,)=)"(x;) < (x, +1)2 =()CB+1)2 @{
x,+1=—x,-1

2

—m m=-2

m=2

Vay yebt < x,+x,+2=0 +2=0<:>[

Cho ham s0 y =2x* —3x” +5 ¢6 do thi (C).Goi d:y =kx+m la tiép tuyén cta (C)tai diém co
hé s6 goc tiép tuyén nho nhat. Tisd T =2m: k cb gia tri bang

A.T=-7. B.T=-5. C.T=5. D.T=7.

Loi gidi:

Chon dap an A.

2
Taco y' =6x —6x:6(x—%j _%2_%%6

Do d6 hé s6 goc ciia tiép tuyén 1a »'(x, )nho nhat bang —% khi x, :%

Phuong trinh tiép tuyén cua (C) tai M(%,%] la: y= —i(x—lj+2 = —§x+2

Vay k=—%,m=%:>T=2m:k=—7.

Cho ham sd y=x-3x+2 co dd thi (C) Hai diém A4, B thudc (C) sao cho tiép tuyén cua (C)

tai Ava Bsong song voi nhau va d6 dai doan 4B = 4212

A.A(—Z;l) ,B(2;—3) &A(—2;0) ,B(2;4). C. A(O;—l) ,B(4;3). D. A(—3;2) ,B(l;—2).
Loi gidi:

Chon dap an B.

Yy =3x"-3.

Hai diém 4, Bthuoc (C) sao cho tiép tuyén cia (C)tai Ava Bsong song voi nhau nén
y,(XA) _ y,(XB) - {xA = x(loai)

XAZ—XB
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Cau 18.

Cau 19.

Cau 20.

=2

A(aa* ~3a+2),B(~a;-a* +3a+2) = 4B =\/4a2 +(2d'+6a) =42 & [a
a

Vay A(—2;O);B(2;4) hoac A(2;4);B(—2;O)

Do thi (C) ctia ham s y = x* —2x” +1¢6 bao nhiéu tiép tuyén song song véi truc hoanh
A. 0. B. 1. C.2 D. 3.
Loi giai:
Chon dap an B.
Goi M (x,;,)1a tiép diem.
Tacd y' =4x’ —4x.
xX=0=y,=1
Tiép tuyén cia (C) song song vdi truc hoanh y =0 4x, —4x,=0< | x,=1=y,=0
X, =-1=y,=0

Phuong trinh tiép tuyén ctia (C)tai M (0;1)1a: y=0(x—0)+1=1
Phuong trinh tiép tuyén cta (C)tai M (1;0)1a: y=0(x—1)+0=0(loai)
Phuong trinh tiép tuyén cua (C)tai M (=10)la: y=0(x+1)+0=0(loai)
Vay chi c6 mdt tiép tuyén thoa ycbt.

Cho duong cong (C) Ty = ax+b cat tryc tung tai di€ém A4 co6 tung do bang —1 .Ti€p tuyén ctua
x—

(C) tai Aco hé sd gbc k=-3.Cacgiatricia ava bla

A.a=1b=1. B.a=2,b=1. C.a=1,b=2. D.a=2,b=2.
Loi giai:

Chon dap an B.

Ta c6 A(0;—1)la tiép diém.

e —a—>b
(x=1)"

y(0)=-3 Tamh==3 oo
Taco = =

A(0;-1)e(C) —="1 b=1
Cho dudng cong (Cm):yzéx3 —%xz +% va diém M €(C,), biét x,, =—1. Tim m dé tiép
tuyén cua (Cm)tai M song song dudng thing d :5x—y =0
A.m=4 B. m=-4. C.m=1. D.m=-2.

Loi gidi:
Chon dap an B.
Ta co A(—l;yM ) 14 tiép diém.
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' 2
Yy =X —mx

tiép tuyén cia (Cm)tai M song song dudng thing d:5x—y=0
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

D. BAI TAP REN LUYEN

Cau 1.

Cau 2.

Cau 3.

Cho dudng cong (C):y=x"+2x+1. Tiép tuyén ctia (C)cé hé s6 géc k =5 c6 phuong trinh 1a
A. y=5x+1 hodac y=5x+3. B. y=5x—-1 hoac y=5x-3.
C. y=5x—1 hodac y=5x+3 D. y=5x+1 hodac y=5x-3.
Loi giai:
Chon dap an C.
Goi M(xo;yo) 1a tiép diém.
Tacod: y' =3x"+2.
Theo d& bai: k=3x§+2:5<:{x0 =1= =4
Xp=—1=y,=-2
Phuong trinh tiép tuyén cta (C)tai M(l;4) la:y = 5(x—l)+4 =5x-1.
Phuong trinh tiép tuyén cua (C)tai M(—l;—2)lé: y= 5(x+1)—2 =5x+3.

Cho duong cong (C):yzx—Jr?.Tiép tuyén cua (C) vudng géc v6i dudng thing
X+

d:2x—-y+1=01a

1 5 1 3 1 5 1 3

A. y=——x—— hodc y=——x+=. B. y=——x+— hodc y=——x——.

4 2 2 4 2 2 4 2 2 4 22
C. y=2x+3 hoacy=2x-7. D. y=2x-5 hoacy=2x-7.

Loi giai:
Chon dap an B.
Goi M(xo;yo) 1a tiép diém.

Taco: y'= =2 >
(x+1)
Tiép tuyén cia (C ) vuong  goéc  véi  duong  thang  d:2x—y+1=0
' 1 -2 1 X =1=y,=2
oy (n)=—e S=—— o
2 (x,+1) 2 [x%=-3=y=0
Phuong trinh tiép tuyén cua (C)tai M (1;2)1a: y = —%(x—1)+2 = —%x+%.
Phuong trinh tiép tuyén cia (C) tai M(—3;0) la: y= —%(x+3)+0 = —%x—% .

Cho ham sé y =x* —3mx* +(m+l)x—m. Goi A 1a giao diém cua d6 thi ham s6 véi truc Oy.
Khi d6 gia tri m dé tiép tuyén cta d6 thi ham s tai 4 vudng goc voi duong thang A:y =2x-3

3

A. % B. -5 C. D.dap sb khac.

N | —
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Cau 4.

Cau 5.

Loi giai:

Chon dap an B.

Goi A(x,;,)1a tiép diem. Khi d6 4=(C)NOy = A(0;—m)
Tacod y' =3x> —6mx+m+1 :>y'(0)=m+1.

Tiép tuyén cta (C)tai 4 vudng goc véi A:y:2x—3:>y’(0)=—%<:>m+l=—%<:>m:—%

Cho ham s y = x* —2x” +2x ¢6 do thi (C). Goi x,, x,1a hoanh d¢ cac diém M , N trén (C)ma

tai d6 tiép tuyén cta (C)vudng goc véi duong thang y =—x+2019. Khi d6 x, +x,c6 gid tri la

A.-1. B. —i. C.l.
3 3

D.

SN

Loi giai:

Chon dap an D.

Tacd y' =3x> —4x+2.

Tiép tuyén cia (C ) tai M ,N vuong goc voi y =-x+2019 = x,,x,1a nghiém phuong trinh:
3’ —4x+2=1<3x" —4x+1=0

-b 4
Vay x1+x2:—=§.
a

2
Cho duodng cong (C):yzLx;z. Tiép tuyén cua (C) vudng géc véi dudng thing
X+
d:4x+y+6=0 co phuong trinh la
1 5 1 1 1 5 1
A. y=—x—-= hodgc y=—x——. B. y=—x+— hodc y=—x+—.
B y = x— lliogd y 1 y=gx+y hode y=ox+y
1 5 1 1 1 5 1 1
C.y=—x—— hodc y=—x+—. D. y=—x+= hodc y=—x——.
PTG Ty TG YTy

Loi giai:
Chon dap an A.
Goi M (x,;y,)1a tiép diém.

Tiép tuyén cua (C) wvuong géc véi  dudong  thing d:dx+y+6=0

=3=y,=-2
1 xg+4x,+4 1 o Yo
—et - 5
4 (x,+1) 4 x0=—§:>y0=—
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Cau 7.

Cau 8.

Phuong trinh tiép tuyén cua (C)tai M(—g;—g) la: y =l(x+§J—£=%x—

1
3) 3 4

Tim m dé tiép tuyén cuia do thi ham s6 (C):y =(2m—1)x* —m+%tai diém c6 hoanh do bang

—1 vudng goc voi duong thang d &:2x—y—-3=0.
3 1 7 9

A.m=—. B. m=—. C.m=—. D.m=—.
4 4 16 16

Loi giai:
Chon dap an A.

Goi M (xy;,)1a tiép diém = M[—l;m +i]

Taco: y' =4(2m—1)x’.
Tiép tuyén cua (C) tai M vudng goc v4i duong thing d &:2x—y-3=0
9

@y’(—l):—%©—8m+4:—%©ng

Cho duong cong (C):y =x +3x" —6x+1. Tiép tuyén cua (C) vudng goc voi duong thfmg
d:x+18y+18=0c06 phuong trinh la

A. y=18x+8 hodc y=18x-27. B. y=18x+8 hodc y=18x-2.

C. y=18x+81 hogc y=18x-2. D. y=18x+81 hodc y=18x—-27.

Loi gidi:

Chon dap an D.

Goi M (xy;¥,)1a tiép diém.

Tacod: y' =3x>+6x—6.

Tiép tuyén cua (C) vudbng goc voi  duong  thing d:x+18y+18=0
{xo =4=y,=9

<:>y’(x0)=—L<:>3x§+6x0—6=18<:> X =2y =9
0 0

18
Phuong trinh tiép tuyén cta (C)tai M (—4;9)la:y =18(x+4)+9=18x+81.
Phuong trinh tiép tuyén cua (C)tai M (2;9)la: y=18(x—2)+9=18x-27.

X2 +3x+2

Cho duong cong (C):y = . Tim cc diém trén (C)ma tiép tuyén tai d6 véi (C) vudng

x —
goc voi duong thang d : y = x+4 c6 phuong trinh 1a

A. (144354333 (1-43;5-343) B. (212).
C. (0;0). D.(-2;0).

Loi giai:
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.
Chon dap an A.
Goi M (x,;,)1a tiép diém.

xP=2x-5
(x-1)°

Tiép tuyén cia (C) vudng goc voi

Taco: y' =

duong thing d:y=x+4
2 oy =1+4/3 —5+433
@y’(xo):—IQMx‘)zS:—IQ Yo B2 V3
(x,—1) % =1-3=y,=5-3\3

Vay M(1+\/§;5+3\/§),M(1—\/§;5—3\/§)

Cau 9. Cho duong cong (C) :y=x"+x. Tiép tuyén cua (C) vudng goc voi duong thang d :x+5y =0
c6 phuong trinh la
A. y=5x-3. B. y=-3x-5. C. y=2x-3. D. y=x+4.
Loi gidi:
Chon dap an A.
Goi M (xy;, )14 tiép diém.
Taco: y' =4x> +1.

Tiép tuyén cia (C) vudbng géc véi  dudong thang  d:x+5y=0

1
<:>y'(x0)=—_—1<:>4x3+1=5<:>x0:1

5
Phuong trinh tiép tuyén cua (C) tai M(I;Z) la:y = 5(x—1) +2=5x-3.

Cau 10. Cho duong cong (C):y =x’ +3x> —8x+1. Tiép tuyén cua (C) song song voi dudng thing
d : x—y =0c06 phuong trinh la
A. y=x—4 hogc y=x+28 B. y=x+4 hodc y=x+28.
C. y=x—-4 hogc y=x-28. D. y=x+4 hodc y=x—-28.
Loi gidi:
Chon dap an A.
Goi M (xy;¥,)1a tiép diém.
Tacod: y' =3x>+6x—8.
Tiép tuyén cua (C ) song song voi duong thang d:x-y=0
o y(x) =13 +6r-8=1e |07 N7
Xo=-3=>y,=25
Phuong trinh tiép tuyén cia (C) tai M(l; —3) la:y= l(x—l) -3=x-4.

Phuong trinh tiép tuyén cua (C)tai M (=3;25)1a: y =1(x+3)+25=x+28.
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Cau 11. Cho duong cong (C) :y=x"=3x+1. Tiép tuyén cia (C) c6 hé s6 goc k =9 c6 phuong trinh 1a

A. y=9x+16 hodc y=9x-15. B. y=9x+16 hodac y=9x-16.
C. y=9x—15 hoac y=9x+17. D. y=9x—-16 hoac y=9x+15.
Loi giai:

Chon dap an C.
Goi M (xy;, )14 tiép diém.
Taco: y' =3x>-3.
Theo d& bai: k:3x§—3:9<:{x0 =2= =3
Xg=—2=y,=-1
Phuong trinh tiép tuyén cua (C)tai M (2;3)la:y=9(x—2)+3=9x-15.

Phuong trinh tiép tuyén cia (C) tai M(—2;—1) la:y= 9(x+ 2)—1 =9x+17.

Céu 12. Cho dudng cong (C):y=x"-3x+1. Tiép tuyén cta (C) vudng goc véi duong thang truc Oy

c6 phuong trinh la

A. y=2 hodc y=-1 B. y=3 hodc y=-1.
C. y=3 hodc y=-2. D. x=3 hodc x=-1.
Loi giai:

Chon dap an B.
Taco: y' =3x>-3.
Tiép tuyén cua (C) vudng goc véi duong thang truc Oy:x=0

nén tiép tuyén c6 dangd : y=c d: y = cla tiép tuyén cia (C)

x=1
5 x=1
3x*=-3=0 ) = c=-1
=4 (*) c6 nghiém << | x=-1 =

X =3x+l=c ; x=-1
c=x"-3x+1
c=

Phuong trinh tiép tuyén cta (C ) la y=3hogcy=-1.

2
ax- —bx

Cau 13. Cho ham s6 y= , c6 d6 thi (C). Bé (C)di qua A[—l;%j va tiép tuyén ctia (C)tai goc
toa d0 c6 hé s goc k = —3thi mdi lién hé gitra a va b 1a

A. 4a-b=1 B. a—-4b=1. C.4a-b=0. D.a-4b=0.

Loi giai:

Chon dap an C.

L (2ax—b)(x—2)—ax’ +bx

g (x-2)
k=y’(0)<:>—3=27b:>b=—6
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Cau 14.

Cau 15.

A(—l;gje(c):éza+b<:>a+bz—£:>a=—é

2 3 2 2
Vay 4a—b=0.
Cho ham sb y = Zﬁz c6 do thi (C). Tai diem M (-2;-4)thudc (C) tiép tuyén cua (C)song
X+
song voi duong thang d : 7x—y+5=0 thi mbi lién hé giita @ va bla
A.b-2a=0 B. a-2b=0. C.b-3a=0. D.a-3b=0.
Loi giai:
Chon dap an C.
,  3a-2b
(bx+3)’
2342 a+4b=17
—2a
M(-2;-4)e(C)=>-4= = -1 (1
(2-4)=(C) 3-2b 3—2b=“21()

Tiép tuyén cua (C) tai diém M(—Z;—4) song song véi duong thing d:7x—y+5=0

3a=2b _, 4(3a—2b) _7(2)

3yl(_2>:7©(3—2b)z T (a-1y

a—l:b—3
Giai (1)va (2), taduoc:| 2

a=3=b=1
Vay voi a=3,b=1=a-3b=0.

Cho ham s y= x+bz ¢ do thi (C) Tai diém M(l;—Z)thu(f)c (C) tiép tuyén cua (C) song
ax—

song v6i dudng thing d :3x+y—4=0.Khido giatri T=a+bla
A.T=a+b=2 B.T=a+b=2. C.T=a+b=2. D.T=a+b=2.
Loi giai:
Chon dap an C.
y = —2—ab

(ax—2)2
M(5-2)e(C)= 2= -3,

a_

Tiép tuyén cua (C) tai diém M song song voi duong thing d:3x+y—-4=0
=y()=-3¢< (‘2_2“)]2 =3 -2-a(3-2d)=-3(a-2) (1)
a—

a=1=b=1
Giai (1), ta duoc :
a=2=b=-1

Vayvoi a=Lb=1=a+b=2.
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Luvén mii thanh tai- miét mai tit gi6i. 2D1-BT43:Lip PTTT Biét HSG ciia PG Thing.

Cau 16. Cho hamsd y= 2_;)6 c6 dd thi (C). Tiép tuyén cua (C)tao véi duong thang d:y =3x—1 goc
—2x
45° c6 phuong trinh 1a
A. y=-2x-3 hodcy=-2x-7. B. y=—x—-1 hodcy=—x+5.
C. y=x+11hodacy=x-7. D. y=—2x+7hoacy=-2x+3.

Loi giai:
Chon dap an D.
Goi M(xo;yo) 1a tiép diém.

Ta co: y'=_—22.
(3—2x)

d:y=3x—1c6hé sb goc bang 3
Tiép tuyén cua (C) tao v6i duong thing d:y=3x-1 goc  45°nén

(v )— (%) =-2
Mztan%"@ 1

1+y (xo).3 y'(xo :E

L, -2 x, =1
Vi =2 ——=2&

y (xO) (3_2x)2 xo :2

Phuong trinh tiép tuyén cia (C) tai M(l;l)la‘t: y= —2(x—1)+1 =-2x+3.
Phuong trinh tiép tuyén cta (C) tai M(2;3) la:y = —2(x—2)+3 =-2x+7.

-2 1
=—oxed

L, 1
V)= S Gy
0

Cau17. Cho him sb y=+3x+4co dd thi (C). Tiép tuyén cia (C)tao v6i dudng thing
d:\/gy—x+6=0 goc 30°co phuong trinh 1a
A. x/gx—y+\/§:0 hodcy=4. B.yzx/§x+

11++/3
3

hoac

11++/3
3

C.y=4. D. y=4 hoécy=\/§x+ hoécy=\/§x+

11-43
7 |

Loi giai:

Chon dap an D.

Goi M (xy;,) 12 tiép diém.

Ta c6: y' =3/3x".

d:\/gy—x+6=00(') hé sb goc bang 1

NE
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2D1-BT43:Lap PTTT Biét HSG ciia PG Thing. When the student is ready , the teacher will appear.

Tiép tuyén cua (C) tao voi duong thang d:\/gy—x+6=0 goc  30°nén

ey L
—y () V3 =tan45’ < y'(xo)Z\/g
! y’(x0)=0

1+y'(x0).$

1

Xy =—

Vi y'(x0)=\/§<:>3\/§x§=\/§<:> \/51
Xy =——

NG

Hai phuong trinh tiép tuyén cua (C ) la: y= V3x+

1143

3
Véi y'(x,)=0<x,=0=y, =4thiptit cia (C)la y=4.

hoécyzx/gx+ll_3\/§.

B X2 +3x+3

Cau 18. Cho duong cong (C):y . Tiép tuyén ctia (C) song song véi duong thing

d:y=-3x+2co phuong trinh la

A. y=-3x-3 hodgc y=-3x-11. B. y=-3x-3 hodc y=-3x+11.
C. y=-3x+3 hodc y=-3x-11. D. y=-3x-3 hodc y=3x-11.
Loi giai:

Chon dap an A.

Goi M (xy;¥,)1a tiép diém.

o, X +4x+3
Taco: y' = 3
(x+2)
Tiép tuyén cua (C ) song song véi  duong  thing d:y=-3x+2
X, = 3:>y 3
2.9 0~ 5 0~ 5
@y’(xo):_3<:>ont3:_3<:> 2 2
o277 2

Cau19. Goi S1a tap cac gia tri ciia tham sb m dé dd thi ham s6 y = x* —2x* +m -2 c6 ding mot tiép
tuyén song song v&i truc Ox . Tim tong cac phan tir caa S .
A, 2. B.5. C.-5. D. 3.
Loi giai:
Chon dap an B.
Goi M(xo;yo) 1a tiép diém.
Taco y' =4x’ —4x.
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Luyén mii thanh tai- miét mai tit giéi. 2D1-BT43:Lap PTTT Biét HSG ciia PG Thing.

Cau 20.

X,=0=>y,=m-2
Tiép tuyén cta (C) song song véi truc hoanh y =0« 4x; —4x, =0 | x, =1= y, =m -3
X,=—1=>y,=m-3

Vay d6 thi ham sé y=x*-2x*+m—2c6 dung mot tiép tuyén song song véi truc Ox

m—2=0
m—-3#0 |:m=2
= .
m=3

m—-3=0

{m—2¢0
Vay S={23)
Cho ham s6 y = x* —2m’x” +2m+1 c6 b thi (C). Tap céc gié tri ciia tham sé m @€ tiép tuyén
cua (C ) tai giao diém cua (C ) va duong thing d:x=1 song song v&i duong thing
Ary=—-12x+4.
A. {2;3}. B. {-2;2}. C. {-2:3} . D. {-3;3}.
Loi gidi:
Chon dap an B.
Goi M (x,:3,)1a tiép diém. Khi d6 M =(C)nd = M (;-2m" +2m+2)
Taco y' =4x’ —4m’x = y'(1) =—4m’ +4.
Tiép tuyén ctia (C) song song Vi A:y=—12x+4
= y(1)=-12& —-4m’ +4=-12 & [Z j

Véi m=—2:M(1;—10)§ZA,V('ri m=2:M(l;—2)§EAnén m=-2, m="2thoa ycbt.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

BAI 44: BIEN LUAN SO TIEP TUYEN CUA PO THI .

A.LY THUYET:
Bai toan :
Bién ludn sé tiép tuyén ké tir mot diém dén do thi ham sé

* Bude 1: Lap phwong trinh tiép tuyén di qua diém A(x 5y A) hé sb goc k co dang

d:y= k( ........................ ) Forervreeernrennes *
ot A 11 ik P o ) = e ) N
Budc 2: d la tiep tuyen cia (C) khi va chi khi hé 0 c6 nghiém.
X) = e
* Bude 3: SO nghiém ciia phuong trinh (*) thoa mén tap xac dinh 1a sd tiép tuyén cua do thi

ham so
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

B. Vi DU MINH HOA

Cau l:

Cau 2:

Cau 3:

Cau 4:

Trén d thi ham s y=x*-2x>+1 c6 bao nhiéu tiép tuyén song song véi truc hoanh ?
A. 0

B. 1

C.2.

D. 3.

Cho ham s y =x’—6x+2 . Hoi c6 bao nhiéu tiép tuyén cua do thi di qua diem A4(1;-3)
A. 0

B. |

C.2.

D. 3.

Cho d thi ham s6 y =x’ —3x+2(C) . Trén duong thang d:y =4 c6 bao nhiéu diém ma tr d6

ké dugc ding 2 tiép tuyén dén do thi (C).

A. 0
B.1
C.2.
D. 3.

Cho ham s6 y = f(x) c6 dao ham lién tuc trén R théa méan [f(x)]3 +6f(x)=-3x+10 voi

moi x € R . Phuong trinh tiép tuyén ctia 6 thi hamsé y = f (x) tai hoanh d x =1 c6 bao nhiéu

giao diém voi duong thang y = x* +§

A. 0

B. 1

C.2.

D. 3.

Cho d6 thi ham s6 y = 2"_13 . Do thi ham s6 tiép xuc v6i dudng thang y = 2x+m khi:
e

A. m:2x/§ .

B. m#1.

C. m=i2\/5.

D. VmeR.

3

Cho ham sé y :%erx—%’”(c). Xéc dinh m dé tr A(%;O) ké dén db thi ham s6 (C) hai
tiép tuyén vudng goc véi nhau:

A. m:—% hoac m=2.

B. m=— hodc m=2
2
|
C. m=— hoiac m=-2
2
|
D. m=—— hodc m=-2
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

Cau 7:

Cau 8:

Cau9:

Cau 10:

Cho ham s y =x*—3x*(C). Goi M la diém thudc dd thj (C) c6 hoanh d¢ béng 1. Véi gia trj
nao cua tham s6 m thi tiép tuyén cia (C) tai diém M song song voi duong thing
:y:(m2 —4)x+m

.0

+1

2.
.13

SOwF =

Chohamsé y=3x-x'(C).  Tim trén duong thang y =—x céc diém ma tir d6 c6 thé ke

duogc ding 2 tiép tuyén dén do thi (C)

A. M(—2;2),N(2;—2).

1;—1),N(2;—2).
2;2),N(3;—3).

2;2),N(0;0).

B. M(

C. M(

D. M (-2;

Cho ham s y =—x+f(C) . Tim trén truc tung cac diém M(O;a) ma tir d6 ¢6 thé ké duoc 2
x—

tiép tuyén dén do thi sao cho 2 tiép diém nam vé hai phia ctia truc hoanh. Khi d6 diéu kién cua
ala
A.ae (—1; +oo) \ {l} .

Cho ham s6 y = (|x|+1)2 (|x| —1)2 (C) . C6 bao nhiéu diém trén truc hoanh dé c6 thé tr diem do
ké dugc 3 tiép tuyén dén do thi (C) .
A. 1. B. 2. C. 3. D. 4.
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

C.BAI TAP TREN LOP

Caul:

Cau 2:

Cau 3:

Cau 6:

Cau 7:

Cau 10:

Trén d6 thi ham sé y = x* —2x* ¢ bao nhiéu tiép tuyén song song vdi truc hoanh ?

A. 0 B. 1 C.2. D. 3.

Trén d thi ham s y=—-x"—x" c6 bao nhiéu tiép tuyén song song véi truc hoanh ?

A. 0 B. 1 C.2. D. 3.

Cho ham s6 y = x* —6x . Hoi ¢ bao nhiéu tiép tuyén ctia d6 thi di qua diém A(l;—3)
A. 0 B. 1 C.2. D. 3.

Cho ham s6 y =3x* —6x* . Hoi c6 bao nhiéu tiép tuyén cua do thi di qua diém A(l;—3)
A. 0 B. 1 C.2. D. 3.

Cho d6 thi ham s6 y =x* —3x (C) . Trén dudng thdng d : y = -2 ¢6 bao nhiéu diém ma tir d6 ké
dugc ding 2 tiép tuyén dén do thi (C).

A. 0 B. 1 C.2. D. 3.

Cho d6 thi ham s6 y =x" —3x” +2(C) . Trén dudng thing d :x=1 c6 bao nhiéu diém cé tung
do nguyén ma tir d6 ke duge 3 tiép tuyén dén do thi (C).

A. 0 B. 1 C.2. D. 3.

Cho ham s y = f(x) c6 dao ham lién tyc trén R théa man [f(x)]z +6f(x)==3x+10 voi

moi x € R . Phuong trinh tiép tuyén cia d6 thi hamsb y = f (x) tai hoanh d§0 x =1 c6 bao nhiéu
. < R 7. \ < 4 < A A A r 5 < A A
giao diém vé&i duong thang y = x* + 3 biet hé s6 goc cua tiep tuyén duong.

A. 0 B. 1
C.2. D. 3.

Chohamsé y=f(x)  c6 dao ham lién tuc trén R thoa man [ f(x)] +6(x)=~7x voi
moi x € R . Phuong trinh tiép tuyén ctia d6 thi hamsé y = f (x) tai hoanh d§ x =2 c6 bao nhiéu

giao diém voi duong thang y = x*

A. 0 B. 1

C.2. D. 3.

Cho db thi ham s y = x‘i’ . Biét d0 thi ham sé tiép xuc v6i duong thang y = x +m, khi d6 c6
x_

bao nhiéu gia tri cua m thda man

A. 0. B. 1.

C.2. D. 3.

Cho d6 thi ham sé y = i’“—? . D6 thi ham s6 tiép xtc voi dudong thang y =2mx tai diém c6
x_

hoanh d¢ duong  khi m =

8—3Ja . .
,giatricua a la

10
A. 2.

B. 4.
C.6. D. 8.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Choham s6 y=x"+mx(C).Gid tri m thda man dép 4n ndo sau dy dé tir A(1;0) ké dén do thi

ham s6 (C) dugc ba tiép tuyén phan biét.

A.m=—%hoécm=2. B.mzéhoéc m=2.
1 . 1 . 1

C. m=— hoac m=-2. D. m=— hoac m=—.
2 3 2

Cho ham s6 y =x" +mx’ —1(C). Xéc dinh m dé tr 4(2;—1) ké dén d6 thi ham s6 (C) hai tiép
tuyén song song voi nhau, biét hoanh do tiép diém khac 0.

A.m:—%hoécmzl B.m:%hoéc m=2.

C. m=18 hoac m=-2. D. m=-18.

Cho ham sé y = x* —3x>+ 1(C). Goi M la diém thudc do thi (C). Tim tat ca cac gi tri cua m
dé ké duoc hai tiép diém tai diém M song song véi dudng thing d : y = (m2 - l)x +m.

A. 0 B.me[O;l] C.med. D. Vm .

Khi d6 phuong trinh phai ¢6 hai nghiém phén biét A’ =3m* +6 >0 véi moi m
Cho ham s6 y=3x’-3x*-1(C). Goi M 1a diém thugc do thi (C) c6 hoanh do bang 3. Véi

gia tri nao cua tham sd m thi tiép tuyén cia (C) tai diém M song song voi duong thang
d:y=(9m2 —4)x

A. irz B. £1 C. £2. D. 13.

3
Cho ham s6 y=-3x—x’ (C) . Tim trén duong thang y = —2x cic diém ma tir d6 c6 thé ke

dugc ding 2 tiép tuyén dén do thi (C )

A. M(-2;2),N(2;-2). B. M (1;-1),N(2;-2).

C. M(-2;2),N(3;-3). D. Khong ton tai.

Cho ham s6 y =1+ x—x* (C ) . Timtrén duong thang y =1 cac diém ma tir d6 c6 thé ké duoc
ding 2 tiép tuyén dén do thi (C), khi d6 hoanh do tiép diém d6 théa man diéu kién nao?

A.a<0ua>1. B. ae(0;1). C. ae[l;2]. D. Tt ca déu sai.
Cho ham sb y = x—Jri(C ) . Tim trén truc tung céc diém M (0;a) ma tir d6 c6 thé ké duogc 2 tiép

tuyén dén do6 thi sao cho 2 ti€p diém nam vé hai phia ctia truc hoanh. Khi do diéu kién ctua a 1a

A. ae(—%;JrooJ\{l}. B. ae(_§;+oo)\{1}.

C.ace —§;+oo . D.ac —E;—% .
4 12" 3
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

Cau 18: Cho ham s6 y= ;*21 (C) . Tim trén truc tung céc diém M (0;a) ma tir d6 c6 thé ke duogc 2
x_
tiép tuyén dén do thi sao cho 2 tiép diém nam vé hai phia cua truc hoanh. Khi d6 diéu kién cua
ala
A.ae —Z;—L . B.ace —g;+oo \{1}.
9 22 3
C.ac —§;+oo . D.ac —E;—g .
4 12" 3
Cau 19: Cho hamsb y = (|x| + 2)2 (|x| - 2)2 (C) . C6 bao nhiéu diém trén tryc hoanh dé c6 thé tir diém do
ké dugc 4 tiép tuyén dén do thi (C) .
A. 1. B.2. C.3. D. 4.
-2)=16+8a=0 , \
ciuzo: |7 & a=-2Chohamssé y =(|x|+3)"(]x|~3) (C) . C6 bao nhiéu diém trén
A'=4a"-12>0
tryc hoanh d¢ cé thé tir diém do6 ké duoc 2 tiép tuyén dén do thi (C) .
A. 1. B. 2. C.3. D. 4.
D. BAI TAP REN LUYEN
Caul: Cho ham sé y=-x’+3x"+(2m—1)x+2m—-3(C,) . V6i gid tri ndo cta tham s6 m thi tiép
tuyén c6 hé s6 gbc 16n nhat cta d6 thi (C,, ) vudng gbe véi duong thang A:x—2y—4=0
A. 2. B. -1. C.0. D. 4.
Cau2: Chohamsd y= 2“23 c6 do thi (C) . Gia st duong thing d : y = kx +m 1a tiép tuyén cia (C)
X+
, biét rﬁng d cit truc hoanh, truc tung lan luot tai hai diém 4,B va tam giac OAB can
tai géc toado O . Téng k+m c6 gia tri b?mg
A. 1. B. -1. C.3. D. -3.
Cau3: Tim tap hop tat ca cdc gid tri tham s6 thuc m dé o thi (C) cta ham sé y = 2 +13 cit duong
X+
thang y =2x+m” tai hai diém phan biét ma hai tiép tuyén cia (C ) tai hai diém d6 song song
v6i nhau
A. {2} B. {-V2:2]. C. {11}, D. {-2;2}.
Cau4: Phuong trinh tiép tuyén cua do thi (C):y = _1 tai M c6 dang y=kx+m . Biét tiép tuyén
X+
tai M song song voi duong thang A:3x—2y+10=0.Khi d6 tong k+m co giatri amla
A.11. B. 4. C. -8. D. -1.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

Cau 5:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

x-3
x+1
M song song voi duong thang A:x—y+19=0.Khi do, tong k—m c6 gia tri duong bang
A.11. B. 4. C. 8. D. -1.

-x+1

Cho ham s6 (C):y = L Gia st dudng thang d : y = kx+m 1a tiép tuyén ciia d6 thi da cho
x+

Phuong trinh tiép tuyén cta dd thi (C):y = tai M c6 dang y = kx +m . Biét tiép tuyén tai

N A A \ . . < R 5 \ [N A \ \ ) A k Ry ST
va tiép tuyeén nay di qua giao diém cua duong ti€¢p can va truc hoanh. Ti sO — co gia tri bang

m
A. 2. B. -2. C.1. D. -1.
Cho ham sé y = x* —6x7 +9x(C) . Tiép tuyén cia (C) tao voi duong thang A:x+ y—1=0 mot
4 o
goc a sao cho cosaz—ﬁ va tiép diém c6 hoanh d§ nguyén c6 phuong trinh la
A. y=9x;y=9x-32. B. y=9x-2Ly=9x+7.
C. y=9x;y=9x+32. D. y=9x+21;y=9x-7.
3x+1

Cho ham s6 y = f(x)=

c6 d thi (C). Viét phuong trinh tiép tuyén cia do thi (C), biét

hoanh d6 tiép tuyén 1a nghiém cta phuong trinh (7x -1 1). f' (x) =10

-2 83
A y=—x+—. B. y=9x-21.
Y75 0 g
C. y=9x. D. y=9x-7.
Cho ham s6 y=x*+3x7 +1 c6ddthila (C).Goi A latiép tuyén ctia (C) tai diém 4(L;5)
va B 1a diém giao thi hai cia A véi (C). Tinh dién tich S cua tam gidc OAB , véi O 1a goc
toa do.
A. S=12. B. §=37. C.S=15. D. S=24.

x+b

Cho ham s6 y = (C) . Biét a,b 1a céc gia trj nguyén duong sao cho tiép tuyén cia (C)

ax—2
tai diém M (1;—2) song song v6i dudng thing d :3x+y—4=0 . Tinh a+b .
A. a+b=0. B.a+b=-1.

C.a+b=2. D.a+b=1.
x+1

Cho ham s6 y = c6 d6 thi (C). Goi d 1a khodng cach tir giao diém ciia hai dudng tiém

can cua do thi dén mot tiép tuyén cﬁa(C ) Tim gia tri lon nhét cta d

2 5.

Ad, = =. B.d, =
2

C.d_ =+3. D.d_ =+/6.

x+3

Cho ham s6 y= ¢ do thi (C) . Néu diém M thudc duong thing d:2x—y+1=0 cb

x—1

hoanh d¢ 4m va tir diém M ké duoc duy nhat 1 tiép tuyén t6i do thi (C) thi toa do diém M la
A. M (-2;2),N(2;-2). B. M (2;5),N(L3).
C. M(-2;2),N(3;-3). D. M (-2;2),N(0;0).
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cho ham s6 y =x"-3x” +2(C). Néu diém M thudc (C) cing véi hai diém cyc tri ctia do thi
ham s6 (C) tao thanh mot tam gidc c6 dién tich bang 6 thi phuong trinh tiép tuyén véi d thi

tai diém M 1a

A. M(—2;2),N(2;—2). B. M(—l;—2),N(3;2) .

C. M(-2:2),N(3-3). D. M (-2:2),N(0:0).

C6 bao nhiéu tiép tuyén cia do thi y = 2x _11 (C) cach déu hai diém 4 (-2:4),B(4-2) ?
y_

A. 2. B. 3. C. 4. D. 5.

Cho ham s6 y =x"+3x” +1 ¢6 d thi 1a (C). Goi A la tiép tuyén cta (C) tai diem A(1;5) va
B 1a diém giao thtr hai ciia A véi (C) Tinh chu vi cua tam gidc OAB , v6i O la géc toa do.

A. 26 ++/2426 +24/33 . B. /26 ++/2426 +/733.
C. 26 +~/246 + 24733 . D. 26 +/2426 + 2733 .

Cho ham sé y =1
ax—>b

(C) . Biét a,b 1a céc gid tri sao cho tiép tuyén ciia (C) tai diém M (1;2)
vudng goc v6i dudng thang d :x+y—4=0 . Tinh a+b .

A.a+b=0. B. a+b=-1. C.a+b=2. D.a+b=1.

Cho ham s6 y = Sxrl

6 c6 do thi (C) Goi d 1a khoang cach tir giao diém cia hai dudng tiém
x—

can ciia d0 thi dén mot tiép tuyén cﬁa(C ) Biét khoang cach tir tim ddi xting dén tiép tuyén c6
‘axé +bx, + c‘

2425+ (%, -2)’
A. 67. B. 55. C. 60. D. —64.

, Vi x,1a hoanh do tiép diém. Khi d6 gia tri a+b+c 1a

dang

Cho hamsd y = ix+3

X —

6 dd thi (C) . C6 bao nhiéu diém M thudc dudng thing d:x—y+1=0

c6 hoanh d6 duong va tir diém M ké duoc duy nhat 1 tiép tuyén i do thi (C)?
A. 1. B. 2. C.3. D. 4.
Cho hamsb y =x*—x> +1 (C ) .Néu diém M thuoc (C ) c6 hoanh d6 nguyén cing véi hai diém

cuc tri cua do thi ham s (C) tao thanh mot tam gidc vudng tai M thi c6 bao nhiéu diém thoa

man?

A. 2. B. 1.

C. 3. D. 4.

. T4 4 , A 1 2x-2 , e Y
C6 bao nhiéu tiép tuyén ctia do thi y = (C) cach déu hai diém A4(-2;1),B(1;-2) ?
x_
A. 1. B. 2.
C. 3. D. 4.
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

BAI 44: BIEN LUAN SO TIEP TUYEN CUA PO THI .

A.LY THUYET:
Bai toan :
Bién ludn sé tiép tuyén ké tir mot diém dén do thi ham sé
* Budc 1: Lap phuong trinh tiép tuyén di qua diém A(x,;y,) hé s goc k c6 dang
d:y=k(x—x,)+y,

f)=k(x-x,)+,
f()=k

* Budc 2: d 1a tiép tuyén cua (C) khi va chi khi he { c6 nghiém.

* Bude 3: SO nghiém ctia phuong trinh (*) thoa mén tap xac dinh 1a sd tiép tuyén cua do thi
ham s
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

B. Vi DU MINH HQOA

Caul:

Cau 3:

Trén d6 thi ham s6 y = x* —2x* +1 ¢6 bao nhiéu tiép tuyén song song vdi truc hoanh ?
A.0 B.1 C.2. D.3.

Loi giai
Goi diém M (xo; yo) thudc do thi. Vi tiép tuyén song song véi truc hoanh nén
' 3 Xo = A £ £
y (xo) =4x,-4x, =0 . Vay co6 3 ticp tuyén.
x, =%1
Cho ham s y=x’ —6x+2 . Hoi ¢6 bao nhiéu tiép tuyén cta 6 thi di qua diém A(1;-3)

A.0 B.1 C.2. D.3.

Loi giai
Chen C
Goi phuong trinh tiép tuyén c6 dang y = f'(xo)(x— X, ) + ¥, voi {f’(x0)3= 3 =6
Vo =X, —6x,+2
Vi tiép tuyén di qua diém 4 (1; —3) nén ta co:
—3=(3x; —6)(1—x, )+ x, —6x, +2

1

o -2x +3x, —-1=0& %= 2. Vay ¢6 2 tiép tuyén ké duoc qua A4

x, =1
Cho d6 thi ham s6 y=x* —3x+ 2(C ) . Trén duong thang d : y =4 c6 bao nhiéu diém ma tir 6
ké dugc ding 2 tiép tuyén dén do thi (C).
A.0 B.1 C.2. D.3.

Loi giai
Chon D

f(x)=3x; -3
Vo =X; —3x,+2

Goi phuong trinh tiép tuyén c6 dang y = f ’(xo)(x—x0)+ ¥, Vo1 {
Goi diém M (a;4) thuoc duong thang d

Vi tiép tuyén di qua diém M (a;4) nén ta co:

4= (3x§ —3)(a—xo)+x3 —3x,+2

= (3x§ —3)(a—xo)+(x0 +2)(x0 —1)2 =0

& (x,—1)[ 2% +x,(3a—=2)+3a-2]=0

x, =1

T () =202 +3, (3a—2) +3a -2 =0(1)
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Cau 4:

Cau 5:

Dé ké duoc hai tiép tuyén khi phuong trinh (1) c6 nghiém kép hoac c¢6 1 nghiém khac 1
Xét phuong trinh -2 +x, (3a - 2) +3a—-2=0(1) voi A= (3a - 2)(3a + 4)

TH1: Phuong trinh (1) c6 nghiém kép khac 1

2-3a
a=—=>Xx =X, 5 =0
:>A=(3a—2)(3a+4)=0<:> ; ; thda man
Aa=——=>X, =X, = _2a——3

TH2: Phuong trinh (1) c¢6 mdt nghiém la 1

f(1)=6a—6=0<:>a=1

Viay c6 3 diém thoa man yéu ciu bai toan

Cho ham sé y= f(x) c6 dao ham lién tyc trén R thoa man [f(x):r +6f(x) =-3x+10 voi

moi x € R . Phuong trinh tiép tuyén cua db thi ham s y = f (x) tai hoanh d§ x =1 c6 bao nhiéu
giao diém véi duong thang y = x* +§

A.0 B.1 C.2. D.3.

Loi giai
Chen C

Goi phuong trinh tiép tuyén c6 dang y = f'(xo)(x—x0)+ f(xo)
Dgo ham hai vé ding thie [ £ (x)] +6/(x)=-3x+10 taco

3f(x).f'(x)+6f'(x)=—3

Thay x, =1ta co h¢

Vay s giao cua y=—%x+§ va y=x2+§ la 2

Cho d6 thi ham s6 y = 2x _13 . Do thi ham s6 tiép xuc v6i duong thing y =2x+m khi:
o
Am=242 . B. m#1. C. m=122. D. VmeR.

Loi giai
Chen C

Dé hai db thi tiép xac nhau khi:
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

{fm =8y

Fo=8'w
2x_?)=2x+m
x_ .
= vol x#1
1
7 =2
(x-1)
2x— =2x+m
o1 1T ) = =22
leiL m=22
2

Vay m= +2+/2 thoa man.

3
Cau6: Cho ham sb y:%mx—%’”(c).xac dinh m dé tr A[%;Oj ké dén dd thi ham sb (C) hai

tiép tuyén vudng goc véi nhau:
A. m=—l hoac m=2.B. m:l hoac m=2.
2 2
1, |
C. mzz hoac m=-2. D. mz—g hoac m=-2.

Loi giai

Cau7: Chohamsd y=x’-3x*(C).Goi M ladiém thudc dd thi (C) c6 hoanh do bang 1. Véi gia tri
nao cua tham sb m thi tiép tuyén cua (C) tai diém M song song voi duong thing

d:y=(m2—4)x+m
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

A.0 B.+1 C.£2. D.43.
Loi giai
Taco: y'=3x"—6x= f'(x,)=3x; —6x,
Tai hoanh d¢ x, =1 ta c6 hé s6 goc tiép tuyén la f'(1)=-3
Vi tiép tuyén song song voi dudng thing d : y = (m2 N 4)x +m
nén f’(l)=—3=m2—4 Sm=7F1
Cho ham s6 y =3x—x"(C). Tim trén duong thang y =-x cac diém ma tir d6 c6 thé ké
duogc ding 2 tiép tuyén dén do thi (C)
A.M(—2;2),N(2;—2). B.M(l;—l),N(2;—2).

C. M(-2;2),N(3;-3). D. M(-2;2),N(0;0).

Loi giai
Chen A

; < "(x,)=-3x; +3
Goi phuong trinh tiép tuyén co6 dang y = f '(xo)(x—x0)+ ¥, Vo1 / ( 0) ’
Ve ==X, +3x,

Goi diém M ( a;—a) thuoc duong thang y = —x

Vi tiép tuyén di qua diém M (a;—a) nén ta co :

-a= (—3x§ +3)(a—x0)—x3 +3x,

< 2x’ -3ax’ +4a=0(1)

S6 tiép tuyén twong mg 13 sb nghiém cua phuong trinh (1)
Xétham sd y = 2x° —3ax* +4a

Dé phuong trinh (1) co6 2 nghiém khi y. .y, =0

x=0;y=4a

Tacod:y' =6x" —bax =0 < ,
xX=a,y=—a +4a

az=0

4a(—a3+4a):0<:>a:isz(_zéz),N(2;—2)

Khi do6 ta ¢6 {

Cho ham s6 y = %(C) . Tim trén tryc tung cc diem M (0;a) ma tir d6 c6 thé ké duge 2
x_

tiép tuyén dén do thi sao cho 2 tiép diém nam vé hai phia cia truc hoanh. Khi d6 diéu kién cua
ala
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

A.ae(-1;+o)\{l}. B.ae (—§;+00J\{1}.

C.ac —§;+oo . D.ae —E;—z .
4 12" 3

Loi giai
, -3
f (xo): (x _1)2
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x—x0)+ Y, VOi 5 0
X, +
Yo =""
x, —1
Goi diém M (O;a) thuoc dudng thang x =0
A £ 4 .2 R , 3x, X, +2
Vi tiép tuyen di qua diem M (0;a) néntacd: a= +

(xo —1)2 Xo -1

Xét phuong trinh (a—l)x2—2x(a+2)+2+a=0(l) voi x#1

9

. L a2 1n 2 2
Goi hoanh d9 tiép diém lan luot la A[xl;xl—Jrl],B(xz‘ X+ ]

X X
a=#l
F(1)=0(/) a#l
Theo gia thiét ta c6 diéu kién { A > 0 =43a+6>0
xl+2.x2+2<0 x1x2+2(x1+x2)+4<0
x -1 x,-1 xlxz—(xl+x2)+1
ae (—2; +oo) \ {1}
2+a 4a+8 ae(=2+)\{l}
“Ya-1_ _a-1 <0 < 9a+6<0
2+a_2a+4+1 -3

a-1 a-1

ae(—%&ooj\{l}

Rt @ae(—%ﬁooj\{l}
3+ 3
ae —§;+oo

Cau10: Cho hamssé y=(|x|+1)" (Jx]~1)’(C) . C6 bao nhiéu diém trén truc hoanh dé c6 thé tir diém do
ké duge 3 tiép tuyén dén do thi (C) .
Al B.2. C.3. D. 4.

Loi giai
Chon D
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

Taco: y:(|x|+1)2 (|x|—1)2 =x*-2x*+1

; . "(x,)=4x, —4x
Goi phuong trinh ti€p tuyén c6 dang y = f'(xo)(x—x0)+y0 voi 4 ( 0) ’ ’
Yy = x5 —2x; +1
Goi diém M (a;O) thudc truc hoanh
Vi tiép tuyén di qua diém M (a;0) néntacé: 0= (4x3 —4x0)(a —x,)+x, —2x; +1

x, ==l

& (x5 —1)(3x —dax, +1) =0 <> 3 —dax 4120
Xét phuong trinh f(x) =3x"—4ax+1=0 (1)
TH1: Phuong trinh (1) c6 mot nghiém kép khac +1

B3

A'=4a2—3=0<:>a=17

TH2: Phuong trinh (1) c6 mot nghiém la 1 va nghiém con lai khac —1

Sa=1

f(1)=4-4a=0
A'=4a’~3>0

TH3: Phuong trinh (1) c6 mot nghiém la —1 va nghiém con lai khac 1

Sa=-1

f(-1)=4+4a=0
A'=4a*-3>0
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2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

C. BAI TAP TREN LOP

Caul:

Cau 2:

Cau 3:

Cau 4:

Trén d6 thi ham sé y = x* —2x* ¢6 bao nhiéu tiép tuyén song song v&i truc hoanh ?
A.0 B.1 C.2. D.3.

Loi giai
Taco: Yy =4x’ —4x=0< x=0;x ==1
Trén d thi ham sé y = —x —x? ¢6 bao nhiéu tiép tuyén song song voi truc hoanh ?
A.0 B.1 C.2. D.3.

Loi giai
f 2 2
Taco: y=-3x"-2x=0=x=0x=——

Cho ham sb y = x* —6x . Héi c6 bao nhiéu tiép tuyén cta do thi di qua diém A(1;-3)
A.0 B.1 C.2. D.3.

Loi giai
Taco: y'=3x"-6=)'(x,)=3x; -6
. . "(x,)=3x. -6

Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x—x0)+ Y, VOi S ( ) ’

Vo =X, —6x,
Vi tiép tuyén di qua diém 4 nén ta c6
—1=(3x5 —6)(1-x,)+x, —6x,
< 5=-2x; =1 nghiém
Cho ham s6 y =3x*—6x" . Hoi c6 bao nhiéu tiép tuyén cta do thi di qua diém A(1;-3)
A.0 B.1 C.2. D.3.

Loi giai
Taco: y' =12x" —12x = y'(x,) =12x; —12x,
. . "(x,)=12x, —12x
Goi phuong trinh ti€p tuyén c6 dang y = f’(xo)(x—x0)+y0 voi 4 ( 0) ’ ’
Yy =3x; —6x;
Vi tiép tuyén di qua diém 4 nén ta c6
-3 =(12x; —12x, ) (1-x,) +3x; - 6x;

<:>—9xg+12x3+6xg—12x0+3=0 =Slx=-1
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

Cau 5:

Cau 6:

Cho d6 thi ham s6 y =x’ —3x (C ) . Trén duong thang d : y =—2 c6 bao nhiéu diém ma tir d6 ké
duogc ding 2 tiép tuyén dén do thi (C).
A.0 B.1 C.2. D.3.

Loi giai

£ ; "(x,)=3x; -3
Goi phuong trinh tiép tuyén c6 dang y = f’(xo)(x—x0)+y0 voi {f ( 0)3 ¢
Yo =X =3x,

Goi diém M (a;-2) thudc dudng thang y =-2

Vi tiép tuyén di qua diem M (a;-2) nén ta co :
~2=(3x; =3)(a—x,)+x, -3x,

Xét phuong trinh =2 = (3x* =3)(a—x)+x’ -3x

)C=1 .2 N
<:>(x—1)(2x2+3x(a—2)+3a+2)=0<:> f(x)=2x2+3x(a—2)+3a+2=OTudlem M ké

duoc ding hai tiép tuyén khi 2x* +3x(a—2)+3a+2=0 thoa mén

104445
3

THI: A=9(a—2) ~8(3a+2)=9a’ —60a+20=0 = a=

TH2: f(1)=6a—2:0©a=§

Cho db thi ham s6 y=x-3x> + 2(C ) . Trén duong thang d:x =1 c6 bao nhiéu diém co tung
d0 nguyén ma tir d6 ké duge 3 tiép tuyén dén do thi (C).
A.0 B.1 C.2. D.3.

Loi giai
Chon D

f'(x0)=3x§ -6x,

Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x - X, ) + ¥, voi { X
Vo =X, —3x,+2
Goi diém M(l;a) thuoc duong thang d:x =1
Vi tiép tuyén di qua diém M (l;a) nén ta co :
a= (3x§ —6x0)(1—x0)+x3 —3x,+2
Xét phuong trinh g =-2x" +9x> —9x +2

. . . . =a
S6 nghiém cua phuong trinh 1a s6 giao diém cua hai duong thang 4 s )
y==2x"4+9x" -9x+2
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Xéthamsd y=-2x"+9x —9x+2 =y =—6x" +18x—-9=0

3+\/§
=

o 2

3-43
X=—
2

Yer 1,05
= y.~-1,55
Viay dé ké duoc 3 tiép tuyén khi a € ( Ves yCT) do d6 c6 3 diém co tung do nguyén.

Cau7: Chohamsd y=/(x) co dao ham lién tyc trén R thoa man [ f(x)] +6/(x)=-3x+10 voi
moi x € R . Phuong trinh tiép tuyén cta d6 thi hamsb y = f (x) tai hoanh d§ x =1 c6 bao nhiéu
giao diém véi duong thing y = x* +% , biét hé s goc cua tiép tuyén duong.

A.0 B.1 C.2. D.3.
Loi giai

Chon A
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x—x0)+ Yo
Taco: [ f(x)] +6/(x)=-3x+10 2/ (x)./"(x)+6/"(x) =3
Vay véi x =1 ta cé h¢ phuong trinh

[ verw=r /0700

=
2/ (1)L M+67'(1)==3 | r(1)=-7= r/(1) =%

Vay phuong trinh tiép tuyén y = %(x -1)-7= s

Xét phuong trinh hoanh d6 giao diém %x —% =x +§ = v0 nghiém
Cau8: Chohamso y= f(x) c6 dao ham lién tuc trén R théa man [f(x)]3 +6f(x) =—T7x voi
moi x € R . Phuong trinh tiép tuyén ctia d6 thi hamsd y = f (x) tai hoanh d§ x =2 c6 bao nhiéu
giao diém voi duong thang y = x*
A.0 B.1 C.2. D.3.
Loi giai
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x - X, ) + Y,

Taco: 3[ £(x)] £/ (x)+6/"(x)=-7

Vay voi x=2 ta co hé
[r@)] +6£(2)=-7
ST () 65(2)=7

< f(2)=-1 :f’(z):—g
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Vay phuong trinh tiép tuyén y = —g(x—Z)—l = —gx+§
. —7++/
Xét phuong trinh hoanh d¢ giao diem —%x +§ =x"=x= LT229
Cau9: Cho db thi ham s y =" =3 Bibt dd thi ham s tiép xtic voi duong thang y = x+m, khi d6 co
%—
bao nhiéu gia tri cua m thda man
A.0 . B. 1. C.2. D. 3.
Loi giai
1= 2 5
D6 thi ham s6 tiép xtic vi dudng thing y = x+m khi (x -1
xam=X23
x—1
2 1
1 = 2 X = 1 +—
= (x—l = ﬁ:>2 gia tri m
Xxtm=2" 3 x=1 -
x—1 V2
Céau 10: Cho d6 thi ham s6 y = 2x—.:> . D6 thi ham s6 tiép xuc voi dudong thang y =2mx tai diém c6
x_

hoanh d¢ duong  khi m =

,giatricua a la

8-3va
10
A2 . B. 4. C.6. D. 8.

Loi giai
Chon C
Do thi ham sé tiép xuc voi duong thang y = x+m khi
5 4 2x-3 4
"= _1)? x2x—1_2_12
(20-1)" _ J¥(2x=1) (20-1)
263 |, o273
2x—1 2x(2x—1)

2mx =

Xét phuong trinh 2x=3 4 o4’ —12x+3=0x=

x(2x-1) (2x-1)

3446 8-3/6

=m= =a=6
2 10

Cau 11: Chohamsd y=x"+mx(C). Gia tri m thoa man dép 4n ndo sau day dé tir A(1;0) ke dén do thi

Voi x =

ham s (C ) duoc ba tiép tuyén phan biét.

A. mz—% hoac m=2.B. mzé hoac m=2.

C. mzl hoac m=-2. D. m=l hoac mzl.
2 3 2
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Cau 12:

Loi giai
Taco: y'=3x"+m = flo) =3x, +m
Phuong trinh tiép tuyén qua A(l; O) nén:
0 =(3x§ +m)(1—x0)+x3 +mx, < =2x, +3x; =-m

. x=0;y=0
Xét ham s6 y=—2x3+3x3:y’=—6x2+6x=0<:{ ly .

Vay dé ké dugc ba tiép tuyén khi m € (0;1)
Cho ham s6 y =x’ +mx” —1(C). Xéc dinh m dé tr 4(2;-1) ké dén d6 thi ham s6 (C) hai tiép
tuyén song song voi nhau, biét hoanh db tiép diém khac 0.

A. mz—% hoac m=2.B. m:% hoac m=2.

C. m=18 hoac m=-2.D. m=-18.

Loi giai

Ta cé: y' =3x> +2mx

== 3x; +2mx,
Phuong trinh tiép tuyén qua 4 (2;—1) nén:

—1=(3x§ +2mx0)(2—x0)+x3 +mx, =1 < -2x; +(6—m)x, +4m=0 (1)

Dé ké dugc hai tiép tuyén song song véi nhau khi f '(a) =3a’ +2ma = f'(b) =3b" +2mb

Cau 13:

Cau 14:

<3 (a + b) +2m =0 voi a,b 1a hai nghi¢m phan biét cia phuong trinh (1)

Ap dung dinh Iy viét ta co: a+b = 6‘Tm

6—m

Do d6: 3(a+b)+2m=0<:)3. +2m=0& m=-18

Cho ham sb y=x -3x"+ l(C ) . Goi M 1a diém thudc dd thi (C ) . Tim tit ca cac gia tri cua m
dé ké dugc hai tiép diém tai diém M song song v6i duong thing d : y = (m2 - l)x +m.

A.0 B.me[O;l] C.med. D.Vm.
Loi gidi

Chon D

Taco: y=3x"—6x= f'(x,)=3x; —6x,=m" -1

Khi d6 phuong trinh phai ¢6 hai nghiém phéan biét A’ =3m’> +6 >0 véi moi m
Cho ham s6 y =3x’-3x*-1(C). Goi M 14 diém thudc do thi (C) cé hoanh do bang 3. Véi

gi4 tri ndo cua tham s6 m thi tiép tuyén cua (C ) tai diém M song song v&i duong thing

d:y=(9m2—4)x
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Cau 15:

Cau 16:

A.i% B.*1 C.12. D.+3.

Loi giai
Chon A
Taco: y=9x* —6x= y'(3)=45=9m’ —4<:>m=i%
Cho ham s6 y =-3x—x’ (C ) . Tim trén duong thing y=-2x cac diém ma tir d6 c6 thé ké
dugc ding 2 tiép tuyén dén do thi (C)
A.M(—2;2),N(2;—2). B.M(l;—l),N(2;—2). C. M(—2;2),N(3;—3). D. Khong tdn

tai.

Loi giai

f(x)=-3x;-3

Goi phuong trinh tiép tuyén c6 dang y = f '(xO ) (x - X, ) + ¥, voi { S
Yo =%, =3x,

Goi diém M (a;—Za) thuoc duong thang y = —2x

Vi tiép tuyén di qua diém M (a;—2a) nén ta co :

2x]
_(_ 2 _ _ 3 _ 0
_2a—( 3x, 3)(a xo) X, 3x0<:>a—1+3x§
r1A J 2x° \ \ 2

Xéthamso y=———  vaduongthing y=a

1+3x

2 4

Ta co y'=6x +6x2:0 x=0
1+3x2)

Do y' >0 v&i moi x nén ham s ludn ddng bién, do d6 s6 tiép tuyén ké dugc 1a duy nhat
Cho ham s6 y =1+x—x’ (C ) . Timtrén duong thang y =1 cac diém ma tir d6 c6 thé ké duoc
ding 2 tiép tuyén dén do thi (C), khi d6 hoanh d¢ tiép diém d6 thoa man diéu kién nao?
A.a<0ua>1. B.ae(O;l). C. ae[l;Z]. D. Tét ca déu sai.

Loi giai

S(x%)=—2x,+1

Goi phuong trinh tiép tuyén c6 dang y = f ’(xo ) (x - X, ) + ¥, voi
Vo =—Xg +X, +1

Goi diém M(a;l) thuoc duong thang y =1

Vi tiép tuyén di qua diém M (a;l) nén ta co :

0988323371 | Bién soan va suu tim: T6 Qudc An



2D1-BT44:Bién ludn sd Tiép tuyén ciia PTHS. When the student is ready , the teacher will appear.

2
%o

2x, -1

1=(2x,+1)(a—x,)—x; +x, +l <> a=

Xét phuong trinh x* —2ax+a =0 c6 hai nghiém phan biét khac %

AN=d*-a>0

1 Sa<lua>1
Z—a+a¢0

Cau17: Chohamsd y= x—-'_i(C) . Tim trén truc tung cdc diém M (0;a) ma tir d6 c6 thé ké duogc 2 tiép
Y

tuyén dén do6 thi sao cho 2 tiép diém nam vé hai phia cta truc hoanh. Khi do diéu kién cua a 1a

A.ae(—%;Jrooj\{l}. B.ae(—%ﬁoo}\{l}.
C. ae(—éﬁooj. D. ae(—g;—gj.
4 12" 3

, -2
f (xo):(x _1)2
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x—x0)+ ¥, Vo1 | 0
Yo = Bt
x,—1

Goi diém M (0;a) thugc duong thang x =0

2x x, +1
0 + 0

Vi tiép tuyén di qua diém M (O;a) néntacd: a= 5
(xo —1) X, -1

Xét phuong trinh (a—l)x2—2x(a+1)+l+a=0(l) vol x #1

L ! |
Goi hoanh d¢ tiép diém Ian luot 1 A[xl;xl—JrJ,B(xz; %2 +J

X, — X, —
a#l
7(1)#0(1) a#1

Theo gia thiét ta c6 diéu kién A > 0 &42a+2>0
xl+1‘x2+1<0 XX, +x +x, +1 <0
x—1x, -1 xx, —(x +x,)+1

ae (—1;+oo) \ {1}
ae(=1L+o)\{1}

1+a+2a+2+1

a_l a_l 4a+2
<0 <0

1+a_2a+2Jrl -3

a-1 a-1
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ae (—1;+oo) \ {1}

1
- \{1
& ae(_%;+wj <:>ae£ 2,+ooj {1}

A \ £ x+2 \ A PPy N ar s Ao
Cau 18: Cho hamso y= 5 1(C) . Tim trén truc tung céc diém M(O;a) ma tu do co thé ké dugc 2
x —_—
tiép tuyén dén do thi sao cho 2 tiép diém nam vé hai phia cta truc hoanh. Khi d6 diéu kién cta

ala

, -5
f (xo)=m
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x —x0)+ Y, VOi 5 0
— x() +
0 o T

Goi diém M (O;a) thudc dudng thang x =0

2x, Lt 2
(2x0 - 1)2 2x0 -1

Vi tiép tuyén di qua diém M (O;a) néntacd: a=
Xét phuong trinh (4a—2)x2 —x(4a+5)+2+a =0 (1) vol x #1

. NPT 2 2
Goi hoanh @9 tiép diém lan luot 1a 4 xl;L ,B xz;L
2x, —1 2x, -1

1
a#—
2 1
| aig
s i e 75 ]700) :
Theo gia thiét ta co6 diéu kién 2 < <12a” +34a+29 > O(Z)

A>0 xx, +2(x +x,)+4
X5*2 542 0 4wy, —2(x 4, )+
2x, -1 2x, -1
a+#—
2 azt
N 5+4a+2‘a+2 4 PN
4a—2 4a—-2 <0 22a+1 <0
4‘5+4a_2. a+?2 1 184 +14
4a-2 4a-2
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Cau 19:

Cau 20:

1
a+—

7 1
Sae|l ————
e[_l-_ij (9 22]

b

9 22
Cho ham s6 y = (|x| + 2)2 (|x| — 2)2 (C) . C6 bao nhiéu diém trén truc hoanh dé cé thé tir diém do
ké dugc 4 tiép tuyén dén do thi (C) .
A.l. B.2. C.3. D. 4.
Loi giai
Chon D
Taco: y= (|x|+2)2 (|x|—2)2 =x'-8x*+16

. . "(x,)=4x; —16x,
Goi phuong trinh tiép tuyén c6 dang y = f'(x,)(x—x,)+y, v6i S () =4, 0
Yy =g —8x; +16
Goi diém M (a;O) thudc truc hoanh
Vi tiép tuyén di qua diem M (a;0) néntacod: 0= (4x3 —16x0)(a —x,)+x, —8x; +16

X, =12

= (xg —4)(3x§ —4ax, + 4) =0 Xét phuong trinh

3x; —dax, +4=0
f()c)=3x2 —4ax+4=0 (1)

TH1: Phuong trinh (l) c¢6 mot nghiém kép khac +2

AN=4a-12=0=a=+3

TH2: Phuong trinh (1) c6 mot nghiém la 2 va nghi¢ém con lai khac -2

f(2)=16-8a=0 , .
< a =2TH3: Phuong trinh (1) c¢6 mot nghiém la -2 va nghiém con
A'=4a>-12>0
lai khac 2
—2)=16+8a=0 . .
f(=2) & a=-2Cho hamsd y =(jx|+3)" (]| ~3) (C) . C6 bao nhiéu diém trén
A'=4a*-12>0
truc hoanh dé cé thé tir diém do6 ké dugc 2 tiép tuyén dén do thi (C) .
A.l. B.2. C. 3. D. 4.
Loi giai

Taco: y=(jx+3) (|x/~3) =x* ~182" +81
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. . "(x,)=4x, —36x,
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x — X, )+, voi S(3) ’ ¢
¥, = x5 —18x; +81

Goi diém M (a;O) thudc truc hoanh
Vi tiép tuyén di qua diém M(a;O) néntacd: 0= (4xg —36x0)(a —x,)+x, —18x; +81

= (xg - 9)(3x§ —4ax, + 9) =0 %o =43 Xét phuong trinh

3x; —4ax,+9=0

f(x)=3x"—4ax+4=0 (1)
TH1: Phuong trinh (l) vO nghiém

A’=4a2—27=0<:>a=i¥
TH2: Phuong trinh (1) hai nghiém la 3 va =3

< a =423 loai

f(3)=36-12a=0
f(-3)=36+12a=0
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D. BAI TAP REN LUYEN

Caul:

Cau 2:

Cau 3:

Cho ham s6 y=—-x"+3x +(2m—1)x+2m—3(Cm) . Vé6i gia tri nao ctia tham s6 m thi tiép
tuyén c6 hé s6 géc 16n nhat ctia d6 thi (C,,) vudng goc véi duong thing A:x—2y—4=0
A.-2. B.-1. C.0. D. 4.

Loi giai
Taco: y'=-3x> +6x+2m—1=-3(x—1) +2m+2
= (%) =-3(x,~1) +2m+2<2m+2
Do d6 hé s6 goc 1on nhat 1a & =2m+2

Do tiép tuyén vudng goc voi dudng thing k% =—le2m+2="2cm=-2

Cho ham s y = 2x+ 23 c6 do thi (C) . Gia str duong thang d : y = kx+m 1a tiép tuyén cta (C)
x+
, biét rﬁng d cit truc hoanh, truc tung lan luot tai hai diém 4,B va tam giac OAB can

tai goc toa dd O . Tong k+m c6 gié tri bang
A.l. B.-1. C. 3. D. 3.

Loi giai
Do tam giac OAB can tai O nén |k|=‘[an45O =1
., -1 2x+3=1=>x=-1;y=1
Tacé: y'=——>5=-1
(2x+3) 2x+3=-1=x=-2;y=0
Véi x0=—1;y0=1:>y=—1(x+1)+1=—x(l)

Véi x, =-2;y, :O:>y:—1(x+2)=—x—2:>k+m:—3

« A Re s g eg o A X aX 1 LN A 2x+3 \
Tim tap hop tat ca cac gia tri tham so thuc m dé do thi (C ) cua ham so y = cat duong

X+

thang y =2x+m* tai hai diém phan biét ma hai tiép tuyén cia (C ) tai hai diém d6 song song
voinhau  A.{2}.B.{-V2:\2}. C. {-L1}.  D.{-22}.
Loi giai

Phuong trinh hoanh d6 giao diém 2x +13
X+

<:>f(x)=2x2+m2x+m2—3=0 (1)

=2x+m?

A=m*=2m*+6>0

Tudn dv
f(—1)=—1¢0 udn dung

Phuong trinh c6 hai nghi¢ém phan biét khi {

Goi hoanh d6 hai tiép diém la x,,x, la nghi¢ém cta phuong trinh (l)

Y _1 B . A A 7 5 ot A A
va k, = ———— la hai h¢ s0 goc cua hai tiép diém

Taco: k = 5
(x1 +1) (x2 +1)
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Cau 4:

Do hai tiép tuyén song song —— > = — s X +x,+2=0
(x,+1)"  (x,+1)

. m2

Ap dyng dinh i viét ta cé: x, +x, =——

2
Vély—m?+2=0<:>m=i2

X o an 2x—-4 . s ,
Phuong trinh tiép tuyén cia do thi (C):y = il . tai M c6 dang y=kx+m . Biét ticp tuyen
X+
tai M song song voi duong thfmg A:3x=2y+10=0.Khido téng k+m cogiatri amla
A.11. B.4. C. -8. D. -1.
Loi giai
4 ’ ' 6

Taco: y'= 2:f(xo)z—2

(x+1) (x0+1)

Do tiép tuyén song song v6i dudng thing A:3x—2 y+10=0 nén

X, +1=2 x,=Ly,=-1_.
6 3<:>|:o <:>|:o Yo Véi

(n+1f 2 |[x+l=-2" |x=-3y=5

xozl;yo:—1:>y=%(x—l)—l=%x—%:>k+m=—l

X, =3, =5:>y=%(x+3)+5=%x+l4:>k+m>0 loai

Phuong trinh tiép tuyén ciia dd thi (C):y = x—? tai M c6 dang y = kx+m . Biét tiép tuyén tai
X+
M song song voi duong thang A:x—y+19=0. Khi dé, tong k—m cé gia tri duong bang
A.1l1. B.4. C. 8. D. 1.
Loi giai
2. ’ ’ 4
Tacé: y' = = (%)=
(x+1) (x0 +1)
Do tiép tuyén song song véi dudng thang A:x—y+19=0 nén
4 x,+1=2 x, =Ly, =-1
- { 0 @{ 0 Yo
(x0+1) Xo+1=-2 Xo=-3;,=2

Voix, =1Ly, =—1:>y=(x—1)—1=x—2:>k+m=—l
X ==3y,=2=y=(x+3)+2=x+7=k+m=8 loai
-x+1

Cho ham s6 (C):y = el Gia sir duong thang d : y = kx+m 1a tiép tuyén ciia d6 thi da cho
X+

N LA A \ . . < A 5 \ [N A \ \ > A k J Iy LT
va tiép tuyén nay di qua giao diém ctia duong ti¢p can va truc hoanh. Ti s0 — c6 gia tri bang
m

A.2. B.-2. C. 1. D. -1.

Loi gidi
Chon A
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Tiém can ding x = —% suy ra giao diém v&i truc hoanh 1a A(—%;OJ

Vi tiép tuyén di qua giao diém ctia duong tiép can va truc hoanhnén  0=—=+m=—=2
m

Cau7: Chohamsd y=x"—6x> +9x(C) . Tiép tuyén cua (C) tao v6i duong thang A:x+y—1=0 mot

) 4 N A < R ’ \ A A r 3\ \
géc a sao cho cosa = ——= vatiép diém c6 hoanh d6 nguyén cé phuong trinh 1a

G
A.y=9x;y=9x-32. B. y=9x-21;y=9x+7.
C.y=9x;y=9x+32. D. y=9x+2Ly=9x-7.

Loi giai
Goi phuong trinh tiép tuyén c6 dang

"(x,)=3x2 —12x, +9
y:f’(xo)(x—xo)+y0 V(,)’l {f (-xo) xO -x0+

Yy =Xy —6x; +9x,

! =ﬂ:>tana:i%

Taco: l+tan’ a = 5
cos“a 16

DPuong thing A:x+y—1=0 c6 hé s6 goc 1a k =—1 nén ta cé:

’ _ 'x f’(xo)zg
|tana|= f()’cO) k EZM@ 1
1+f(x0).k 4 |1-f (xo) _f'(x0)=§(l)

x,=0;y,=0
V('rif’(xo):9:3x§—12x0+9<:>[0 4y° A
Xo =H Ve =

Khi d6 ta c6 hai tiép tuyén 1a y =9x;y =9x—32

3x+1

Cau8: Chohamsd y=f(x)= c6 db thi (C). Viét phuong trinh tiép tuyén cta do thi (C), biét

hoanh d6 tiép tuyén 1a nghiém cta phuong trinh (7x -1 1). f '(x) =10

A.y=%2x+§. B. y=9x-21.

C. y=9x. D. y=9x-7.
Loi giai

Goi phuong trinh tiép tuyén c6 dang

-10
(%, _3)2
_ 3x,+1

f’(xO):
y=f’(x0)(x—xo)+y0 voi

Yo X, —3

Do hoanh d¢ tiép tuyén 1a nghiém cua phuong trinh (7x -1 1). f '(x) =10 nén
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10 -10 %, =3(1)
= = 7 <
7x,—11 (x0—3) X, =17

f'(x)

S()==5 2 83
Véi x, =7 tacod " Sy=—x+—
yozz

5710
Cau9: Chohamsd y=x"+3x"+1 c6dd thila (C). Goi A latiép tuyén ciia (C) tai diém A(L;5)
va B 1a diém giao tht hai cia A véi (C). Tinh dién tich S cua tam gidc OAB , véi O 1a gbc
toa do.
A.S=12. B.S=37. C.S=15. D. §=24.

Loi gii
Chon B

Goi phuong trinh tiép tuyén c6 dang
f(xo)zxg +3x; +1=5

£'(xy)=3x5 +6x,=9
Vay phuong trinh tiép tuyén 1a y =9x—4

yzf'(xo)(x—xo)+yo vOi {

x=-5= B(5-49)

Phuong trinh hoanh d6 giao diém: 9x—4=x"+3x*+1 <
x=1=4 (1; 5)

04 1;5) 1
Tacod: {_ = Sy =—|-49-25/=37
OB(5;-49) 2

x+b

ax—2

Cau 10: Cho ham sé y = (C) . Biét a,b 1a céc gia tri nguyén duong sao cho tiép tuyén cta (C)

tai diém M(l;—2) song song véi dudng thang d :3x+y—4=0 . Tinh a+b .

A.a+b=0. B. a+b=-1. C.a+b=2. D. a+b=1.
Loi giai
. ’ —2—ab . X 4 e \ 2
Ta co: y (1)=( )2 =-3 do ti€p tuyen song song v4i duong thang d :3x+y-4=0
a—2
v aX s s .2 R 1+b
Ma do6 thi di qua diem M (1;—2) nén -2 = 5
a_
2
= - 21; =2
Vay ta c6 hé phuong trinh 2+ab 3(a 2) = “=nd
2a+b=3 2a+b=3

Voia=1l=b=1=a+b=2
Voia=2=b=-1=a+b=1

Cau 11: Cho ham sb y = x+l

¢6 dd thi (C ) Goi d 1a khoang cach tir giao diém cia hai duong tiém
x—

can cta dd thi dén mot tiép tuyén cﬁa(C ) Tim gia tri [6n nhét cua d

Ad, ==, B.d_ =+5. C.d. =+3. D.d_ =+6.
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Loi giai
Chon D
Goi phuong trinh tiép tuyén c6 dang
, -3
f (XO) - 2
ot , - (xo — 2)
y=f (xo)(x—xo)+yo vOl
_ X +1
Yo X, —2

= 3x+y(x, —2)2—xg -2x,+2=0
Hai duong tiém can lan lugtla x=2;y =1 =1(21)

o 6+(x -2 -5 =2%,+2  gJx,—2
Khi do d(I;A) = =

4

9+(x0—2)

6 6
- < -J6
J S ey R

(%-2)
x+3

Céu 12: Cho ham s y = - o0 o thi (C) . Néu diém M thugc duong thing d:2x—y+1=0 co
x_

9+(x, —2)4

hoanh d6 4m va tir diém M ké duoc duy nhét 1 tiép tuyén t6i d6 thi (C) thi toa do diém M la
A.M(-2;2),N(2;-2). B.M(25),N(1;3). C.M(-2;2),N(3;-3). D.
M (-2;2),N(0;0).

Loi giai

, -4
f (xo)z(x _1)2
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x—x0)+ Y, VOi ; 0
V= X, +
x,—1

Goi diém M (a;2a+1) thuoe d:2x—y+1=0

Vi tiép tuyén di qua diém M (a;2a +1) nén ta co :

-4
2a+1= -
a+ Gool) (a x0)+xo_1

ax; —2(a+2)xo+3a+2=0
Xét phuong trinh f()c)zax2 —2(a+2)x+3a+2 =0 (1)

TH1: Phuong trinh (l) c6 nghiém kép khac 1
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a=—1(l)

a=2=M|(2;5)

A'=-2a"+2a+4=0

TH2: Phuong trinh (1) c¢6 mot nghiém la 1
{(f()=2a=0=a=1=M(13)

Céu 13: Cho hamsb y=x’-3x"+2(C). Néudiém M thudc (C) cing véi hai diém cyc trj cia do thi
ham sé (C) tao thanh mot tam gidc c6 dién tich bang 6 thi phuong trinh tiép tuyén voi do thi
tai diem M la
A.M(-2;2),N(2;-2). B.M(-1;-2),N(3;2).

C. M(-2;2),N(3;-3). D. M(-2;2),N(0;0).

Loi giai
Chon B
Goi diém M(a;a3 -3a’ +2) e(C)
x=0=> 4(0;2)

Taco: y' =3x"-6x=0<
x=2= B(2;-2)

_ mz(a;cf—?aa ) 1
Khido{ = Sy = |[-4a—2d" +6a°| =6
AB=(2;-4) 2

a-3a*+2a=6 - a:3:>M(3;2)
a’—3a>+2a=-6 a=—1:M(—l;—2)
_ 2x—1

x—1

A.2. B. 3. C. 4. D. 5.

Loi giai
Chen C

Cau 14: @{ C6 bao nhiéu tiép tuyén cia do thi

(C) céch déu hai diem A(-2;4),B(4;-2) ?

, -1
f (xo)z(x _1)2
Goi phuong trinh tiép tuyén c6 dang y = f '(xo )(x—x0)+ ¥, Vo1 5 10
Yo = alin
x,—1

= x+y(xé —-2x, —1)+2x0 -1= O(A)

Do tiép tuyén cach déu hau diém 4(-2;4),B(4;-2) nén

THI: A4,B clng pha khi do: 4B.n, =0 6-6(x; —2x,-1)=0< x=1%3
TH2: A, B khéac phia khi d6 trung diém [ (1;1) cua doan thé’ing AB thudc (A)

= 1+x; —2x, —1+2x, - 1=0< x, = £l
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Cau 15:

Cau 16:

Cau l7:

Cho ham s6 y =x"+3x” +1 ¢6 d thi 1a (C). Goi A la tiép tuyén cua (C) tai diém A(1;5) va
B 1a diém giao thur hai cia A véi (C ) Tinh chu vi ctiia tam giac OAB , véi O la géc toa do.

AN26 +/2426 +24/33. B.\/26 + /2426 +/733 .
C. 26 +246 + 24733 . D. 26 +/2426 + 2733 .

Loi giai
Goi phuong trinh tiép tuyén c6 dang
F(x)=x3+3x;+1=5
f'(x))=3x5 +6x,=9
Viy phuong trinh tiép tuyén 1a y=9x—-4

y=f’(x0)(x—xo)+yO voi {

) x=-5= B(5;,-49
Phuong trinh hoanh d6 giao diém: 9x—-4=x"+3x’ +1 < ( )
x=1= A(1;5)

Ta co: OA=+/26,0B =/2426, BC = 24J733
Vay chu vi tam gidc OBC 1a +26 ++/2426 + 2733

Cho hamsd y = x”b(c) .Biét a,b 1a céc gié trj sao cho tiép tuyén cta (C) tai diem M (1;2)
ax —
vuong goc voi dudng thang d :x+y—4=0 . Tinh a+b .
A.a+b=0. B. a+b=-1. C.a+b=2. D.a+b=1.
Loi giai
. ' ~-b-a -4 ) A , e \ 2
Ta co: y (1)=( pRe .(-1)=-1 do tiép tuyén vudng goc v6i duong thang d :x+y—4=0
a_
Ma d6 thi di qua diém M (1;2) nén 2= Sa-b=1
a_
R o . a+b=-1 a=0;b=-1
Vay ta c6 hé phuong trinh &
a-b=1 a+b=-1

Cho ham s y = LR R, thi (C). Goi d la khoang cach tir giao diém cua hai dudng tiém

2x—6

can ciia do thi dén mot tiép tuyén cﬁa(C ) Biét khoang cach tir tim d6i xtmg dén tiép tuyén co

2
‘ax0 +bx, + c‘

2425+ (x,-2)"

A.67. B. 55. C. 60. D. —64.

Loi giai
Chon D

dang , Vi x,1a hoanh do tiép diém. Khi d6 gia tri a+b+c la

Goi phuong trinh tiép tuyén c6 dang
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Luyén mii thanh tai- miét mai tit gioi. 2D1-BT44:Bién ludn s6 Tiép tuyén ciia DTHS.

, 5
f(xo)=m
y=f'(x0)(x—xo)+yo voi 0
_ 3x,+1
0700 6

:>5x+y(x0—3)2—6x§+11x0+6=0(A)

Hai duong tiém can lan luot la x=3;y = % = 1(3;3

15+;(x0—3)2—6x§ +11x,+6

|9xg —4x,-69)

J25+(x,-3)’ ) 225+ (%, -2)'

Khi d6 d =‘

(1:4)

=a+b+c=-64

Ciau 18: Chohamsé y = 2xt3 6 db thi (C) . C6 bao nhiéu diém M thudc duong thang d :x—y+1=0

2x—1
c6 hoanh d¢ duong va tir diém M ké duge duy nhét 1 tiép tuyén t6i do thi (C)?
A.l. B.2. C. 3. D. 4.
Loi giai

, -8
Ty
Goi phuong trinh tiép tuyén c6 dang y = f '(xo)(x—x0)+ ¥, Vo1 0
_2xy+3
* 2x, -1

Goi diém M(a;a+1) thuoc d:x—y+1=0
Vi tiép tuyén di qua diém M (a;a +l) nén ta co :

-8 2x,+3
+l=——(a—x,)+—2
‘ (2x0—1)2(a %) 2x,-1

4ax§ —4(a+4)x0 +9a+4=0

Xét phuong trinh f(x) = 4ax’ —4(a +4)x+9a +4=0 (1)
TH1: Phuong trinh (1) c6 nghiém kép khac %
A'=4a"+23a+60=0=1

TH2: Phuong trinh (l) c6 mot nghiém la %

{f(%jza—2a—8+9a+4=0<:>5a=4:>a=%
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Cau19: Chohamsd y=x’—x"+ I(C ) .Néu diém M thudc (C ) ¢6 hoanh d6 nguyén cung vé6i hai diém

cuc tri ctia do thi ham sd (C ) tao thanh mot tam giadc vudng tai M thi c6 bao nhiéu diém thoa

man?
A.2. B. 1. C. 3. D. 4.
Loi gii
Goi diém M(a;a3 -a’ +1)e(C)
x=0=4(0;1)
Tacod: ¥ =3x"-2x=0< 2 2 23
x=-=B| ;=2
3 3°27
MA = (—a;—cz3 +a2)
Khidos__. (9 _ = MAMB =0
MB=(——a;——a3+a2j
3 27

c:>a(a—z +(—a3+c12)(_—4—a3 +a2j=0:>a=0 thoa man
3 27

Cin 20: C6 bao nhiéu tiép tuyén cita dd thi y = 222 (C) cach déu hai diem 4(-2;1),B(1;-2) ?
Al B. 2. C.3. D. 4.
Loi gidi

, -2
f (xo) = (x . 2)2
Goi phuong trinh tiép tuyén c6 dang y = f '(xo ) (x - X, ) + ¥, Vo1 5 20
Yo = o
X, —2

= 2+ y(x; —4x, +4) - 2x; +4x,—4=0(A)
Do tiép tuyén cach déu hau diém A(—2;1),B(l;—2) nén
THI1: 4,B cing phia khi do: 4B, =0 6-3(x; —4x,+4) =0 x=2+2

TH2: A, B khéac phia khi d6 trung diém 1 (—%;—%) cua doan théng AB thudc (A)

:>1+%x§—2xo+2—2x§+4x0—4=0<:>—%x§+2x0—1=0:>vé nghiém
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