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GIAC VA
NH LUONG GIAC

1 HAM 88 L
Y, PHUONG

Bi10. CONG THUC LUGONG GIAC CAN NHO

1) Puong tron lugng gidc va diu cia cic gia tri luong giac

sinx

L ®
Goc 1
G 1y | any |y | vy .
sino + + — — 2
cosQ + — — +
n (1) ()
anQ + - + -
coto + — + — 0 cosx
(Nhat ca - Nhi sin - Tam tan - T@ cos) 2mf 1 X
(v)
©
2) Cong thitc lugng giac co ban
.9 ’ sin o cos Qo
sin“ o +cos“ o =1 tano = cotor = —
cos sina
1 1
tan -cota =1 1 +tan’ o = 5 1 +cot?> o0 = — 5
cos® o sin” o
3) Cung géc lién két
Cung (géc) dbi nhau Cung (goc) bu nhau Cung (goc) phu nhau
T
cos(—at) =coso sin(r — o) = sino sin (E—a) =cosa
sin(—at) = —sina cos(T—a)=—cosa cos (5_ ) =sina
T
tan(—o) = —tano tan(T — ) = —tan o tan (E_a) =coto
T
cot(—a) = —coto cot(mr—a) = —cota cot (E - OC) =tano
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0. Céng thic luong gide cdn nhé

Gv Chuyén Todn 10 - 11 - 12 & LTPH

y J/ 4

Cung (goc) hon kém 7 Cung (goc) hon kém g
cos(T+ o) = —cos o sin (g—FOC) =cos o
sin(t+ a) = —sina cos <g+a> = —sino

tan(m+ o) = tan o tan (g + O£> = —cota
cot(m+ o) = coto cot (g + OC> = —tana

4) Cong thirc cong

sin(a+b) =sina-cosb+cosa-sinb

cos(a+b) =cosa-cosbFsina-sinb

tan(a+b) =

tana +tanb
1 —tana-tanb

tan(a —b) =

tana —tanb
1+tana-tanb

Hé qua tan(n+ ) I+ tanx étan(ﬂ ) I~ tanx
. - X)) = V —— X)) =
v 4 4 1 —tanx 4 1 +tanx
5) Cong thitc nhan déi - ha bac - nhan ba
Nhan doi Ha bac Nhan ba
] ] T-— 200 ] ] .
sin2a = 2sin & - cos & sinza:% sin3a = 3sino — 4sin’ a
cos2¢ cos? o —sin «
2 1 2a
= 2cos"a—1 coszoc:—kc% cos3a =4cos’ ot —3cosa
— 1-2sin«
2o — 2tan tan? o — 1 —cos2a 3 3tan @ — tan° o
1 —tan? " 1+4cos2a tan 30 = 1 —3tan’
cot?a— 1 5 [+ cos2a
cot20 = ———— cotrot = ————
2cota 1 —cos2¢
6) Cong thitc bién ddi tong thanh tich
b —b b —b
cosa+cosb=2cosa+ cosa2 cosa—cosb:—Zsin(H— -sina2
b —b b —b
sina+sinb:2sina+ -cosa sina—sinb:ZCosa+ -sina2
i b i —b
tana +tanb = M tana —tanb = m
cosq - cog)b Cos Elb cos)b
sin(b—a
cota+coth = % cota—coth= ——=
sina -sinb sina -sinb
Dac biét
sinx+cosx = \/Esin <x—|— %) sinx — cosx \/Esin <x — %)
T T
= \/Ecos (x—Z) = —+v/2cos (x+7)

7) Céng thitc bién tich thanh tdng

X =

I
cosa-cosb = 5 [cos(a—b)+cos(a+b)]

I
sina - sinb = 5 [cos(a —b) —cos(a+b)]

1
sina-cosb = 5 [sin(a — b) +sin(a + b)]
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

Bir 1. HAM SO LUONG GIAC

A-KIEN THOU'C CAN NHO
D Haim s y = sinx

® Tiap xac dinh: 2 = R. y

© Tap gid tri: [—1;1], tic 1a —1 <sinx < 1, Vx € R. _i _____ :%_ ________ T~

®@ Ham sb y = sinx 12 ham s6 18 nén do6 thi ham sb — | x 71:\\x
nhan gbc toa dd O 1am tam dbi xing. = c-emmeme--o—eToofboooo- 2o -

® Ham sé y = sinx tuan hoan véi chu ki 7 = 2, Do thi ham s6 y = sinx

nghia la sin(x + k27) = sinx, v6i k € Z.

D Haim 6 y = cosx

@ Tap xdc dinh: 2 = R.

y
@ Tap gidtri: [-1;1], ticla —1 <cosx < I,¥xeR. —”_M n """

N A N N A I~ A X TN A !
® Ham s0 y = cosx 1a ham s6 chan nén do thi ham s6 \\j/ ‘ ﬂ\\:/c
_____________________ A N

nhan truc Oy lam truc déi xiing.

© Ham s6 y = cosx 1a ham s6 tuin hoan véi chu ki 7 = D6 thi ham 56 y = cosx

27w, nghia la cos(x + k27) = cosx, véi k € Z.

ED Ham sé y = tanx

\ T
() Diéukiéncosx;«éO@x#E—l—kn,keZ. y
T
Tap xdc dinh: .@:R\{E-I—kn,kez}.
© Tiap gia tri: R.

® Laham sd 18.

|
1]

@ La ham sb tuan hoan véi chu ki T = &, nghia 1a
tan(x+ km) = tanx, v6i k € Z.

[SIE

B Ham s6 y = cotx
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1. HAM SO LUONG GIAC

@ Dbiukién sinx #0 < x £ km. k € Z.
Tap xac dinh: 7 =R\ {km,k € Z}.

@ Tap gid tri: R.
® Laham s6 18.

® La ham s6 tuan hoan v6i chu ki T = 7, nghia la
cot(x+km) = cotx, véi k € Z.

Gv ChuyénTodn 10 - 11 - 12 & LTDH
1 y 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 3n 1
n =
| —Z 1 1
—JT 2 1 2 1
1 T |
1 0 T 1 1
1 2 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1
1 1 1

B WMot sé truang hop déc biét

@ Cic truong hop dic biét cho ham y = sinx

sin

[sinx =0 < x = kx|

sin
- B
O
k> dh
o)) q' cos
c
=
4= sinx=1&x=75+k2n siny=—1&x=—-7+k2n
O- & Cic trut C .
c Céc truong hgp dac biét cho ham y = cosx
(a T8 : .
sin sin
_‘é
- A A
> 19) cos 10) cos
[cosx =1 x=kn| lcosx=—1x=m+k2n]|

cosx=0&x=5+kn

B-PHAN LOAI, PHUONG PHAP GIAI TOAN

& Dang 1. Tim tap xéc dinh cta ham sb lwong gidc

D& tim tap x4c dinh ctia ham s6 lugng gidc ta can nhd:

® yztanf(x)zz(i)llf((i)) DRXD >cosf(x)750<:)f(x)7ég+k7r,k€Z.
@ y=cotf(x)= Ziff((j:)) PKXD s sinf(x) £0 & f(x) £km,k € Z.
®@ Mot sb trudng hop tim tap xac dinh thudng gip:
®y— P(lx) BKXD by £0), @ y— /Pl — 22 p(y) >0,

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

@y— 1 PKXD
2n /P(x)

A Khi tim tdp xdc dinh, ta xem né cé mdu khéng? cé tan, cot khéng? cé cdn khong?

> P(x) > 0.

@ V6i k € Z, ta can nhd nhiing trudng hop dic biét:

. T
+s1nx=1@x25+k2n_ 1 cosx= 1 x = k2.
© —i—sinx:—l(:)x:_g_;_kzﬂ;' O] +COSX=—1®X=ﬂﬂ+k2ﬂ.
=0&x=—+km.
+ sinx = 0 & x = k7. T cosx Y=
=1 _z k +cotx:1@xzz+kﬂ;.
+tanx =1 x=—+knx. 7
T
© +tanx=—1<:)xz—g+k7r. @ +ootx = —1 & x=—7+kn.
T
+ tanx = 0 < x = k7. +cotx:0<:>x:5+kyr,

$> Vidu 1. Tim tap xéc dinh ctia cic ham sb sau day:

2sinx+3 1+cosx 2+3cos2x

a y=———— b) y=—— ) y=—7"-—"—
CcOSX 1 —cosx sinx

1+cosx sinx —3 2sinx+3

d = = e
)y 1 +sinx ey cosx+1 Dy cosx+2
) _2sinx—|—3 h) _2sinx—3 D _Sinx—l
& ry= sinx — 1 y_2sinx+3 y= x+2°

Vi -2 1
D) y=+/3—2cosx. k) y= YT L )y e
1+4+cosx 1 —cosx

® Loi gidi.

y J/ J J

Noi Pau Cé Y Chi & P6 C6 Con Dudng

o
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1. HAM SO LUONG GIAC Gv Chuyén Toén 10 - 11 - 12 & LTBH

y 4/ J J

$® Vidu 2. Tim tap xdc dinh clia cdc ham s6 sau day:

T
) e D) e ) (x+ Z)+1

® Loi gidi.

> Vidu 3. Tim tit ca cic gid tri cia m d€ ham s6 sau c6 tap xdc dinh R.

inx— 1
a) y=+/m—cosx b) y=+2sinx—m c) y:%

Gv Ths: Pham Hung Hai

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

2 Dang 2. Tinh chdn 1é clia ham s6

Budc 1. Tim tap xdc dinh 2 ctia ham s6 lugng gidc.
Néu Vx € 2 thi —x € 9, suy ra 2 la tap dbi xiing va chuyén sang budc tiép theo.

D6 C6 Con Puong

Budc 2. Tinh f(—x), nghia 1a ta sé thay x bing —x, s& c6 hai két qua thudng gip sau:

© Néu f(—x) = f(x) thi f(x) 1a ham sb chén. O
® Néu f(—x) = —f(x) thi £(x) 1a ham sb 1é.

Chi

A O Néu 2 khong la tdp déi xing (3x € D = —x & D) hodic (f(—x) # f(x) va f(—x) # —f(x)) | *>=
ta sé két ludn ham sé f(x) khong chdn, khong 1é. O
, , O
© Ta thuong sit dung cung goc lién két trong dang todn nay, cu thé -
¢
cos(—a) = cosa, sin(—a) = —sina, tan(—a) = —tana, cot(—a) = —cota. 8
@ Liiy thita: sin®'(—a) = sin®" @, cos?'(—a) = cos? @, tan*'(—a) = tan”" @, ... 2

® Do thi ciia ham s6 chdn nhdn truc tung lam truc déi xing, do thi ham sé 1é nhdn goc toa dé
O lam tdm doi xing.

$> Vidu 5. Xét tinh chin 1é ctia ham sb

a) y=f(x)=sin (2x+ 9771-) b) y= f(x) =tanx+ cotx.

® Loi gidi.

o
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1. HAM SO LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTDH

y J/ J J

> Vidu 6. Xét tinh chin 18 cia ham s y = tan’ 2x - sin 5x.
® Loi gidi.

& Dang 3. Tim gid tri I&n nhét - gid tri nhé nhét

Dua vao tap gia tri cia ham s6 lugng gidc.
Dua vao tap gia tri cia ham s6 lugng gidc, chang han:

0 <|sinx| <1
0 <sin’x< 1

0<|cosx| <1

® —-1<sinx<1= .
0<cos“x<1.

hoic —1 <cosx< 1=

Gv Ths: Pham Hung Hai

@ Bién d6i vé dang: m <y < M.

Két luan: maxy = M va miny = m.

¢ Phuong phap: Khio sét parabol.

Trong trudng hop ham sb c6 dang bac hai theo mot ham sb ludng gidc, ta c6 thé dung phuong phap dit
4n phu d€ dua vé ham bac hai, sau d6 khao sat ham nay va két luan.

Kién thiic co ban vé parabol:

b A
@ Pinh parabol (P) :y=ax*+bx+clal (——;——)-
2a° 4a
@ Bang bién thién:
®a>0: ®@a<0:
b b
X —o0 20— ~+o0 X ) 20 +oo
2a 2a

vl TN A/ y /_4_“\
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

Q Phuong phap: St dung bét dang thiic.
@ Bit dang thic Cauchy:

b )
a-; > +v/ab. Dau “="xay ra khi va chi khia = b > 0.

® Va,b >0 thi
b )
@ Va,b,c > 0 thi % > abe. Diu “="xdy ra khi va chi khia = b = ¢ > 0.

@ Bit dang thic Cauchy - Schwarz:

@ Vx,y,a,b € R thi |ax+by| < /(@ + %) (2 +2). Diu “="xay ra khi va chi khi ~ = %.
a
2 2 2
@ viyeRab >0t +2 > EFY payccogay ra khi va chikni £ = 2.
a b a+b a b

A Trong truong hop dé bai yéu cdu tim gid tri [on nhdt va gid tri nhé nhdt ciia ham sé lugng gidc trén
doan cho trudc, ta sé sit dung dwong tron luong gidc dé gidi han mién ciia sin hodc cos. Sau do
thém bot giong phuwong phdp 1 hodc bdc 2 thi sit dung parabol.

@ m> f(x),vx e @@mkmagi(f(x). @ m < f(x),Vx e .@@mgrréié}f(x).
xe X

$> Vidu 7. Tim gid tri 16n nhit va gi tri nhd nhét cla cdc ham sb sau

1 —2sin%x

a) y=2sinx+3. b) y= 3 c) y=+v2+cosx—1.
d) y=4sinxcosx+ 1. e) y=4—3sin’2x. f) y:(3—sinx)2—|—1.
g y= sin*x + cos*x. h) y = sin%x + cos®x.

® Loi gidi.

o
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1. HAM $O LUCONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTDH

y 4/ J J

ung Hai

Pham H

Gv Ths

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

$> Vidu 8. Tim x d& ham s6 y = (sinx+ 3)* — 1 dat gid tri nhé nhAt.
® Loi gidi.
.............................................................................................. (@)]
C
.............................................................................................. Io
.............................................................................................. 33
.............................................................................................. (A
.............................................................................................. c
o
.............................................................................................. O
S
> Vidu 9. Tim x d& ham sd y = 1 —3v/1 — cos2x dat gia tri nho nhit.
® Loi gidi. ‘8
.............................................................................................. No)
.............................................................................................. \ -
L
.............................................................................................. O
.............................................................................................. \>
.............................................................................................. \o
.............................................................................................. (@)
.............................................................................................. -
«O
---------------------------------------------------------------------------------------------- m
.............................................................................................. 0
2
$> Vidu 10. Tim gid tri 16n nhit va nhd nhit ctia ham s6 sau
a) y=/3sinx+cosx b) y =sin2x — cos2x c) y=3sinx+4cosx
® Loi gidi.
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1. HAM SO LUONG GIAC Gv Chuyén Toén 10 - 11 - 12 & LTBH

y 4/ J J

$> Vidu 11. Tim gia tri I16n nhét va nhé nhét ctia ham sb sau
a) y=2sin’x —3sinx+ 1 b) y = 2cos*x+3cosx —2 Cc) y=cos2x —sinx+3
® Loi gidi.

a

ung H

Gv Ths: Pham H

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

® L3i gidi.

< e ia o, g L, sinx+3cosx+ 1
$> Vidu 13. Tim gid tri 16n nhat va gia tri nho nhat ctia ham s6 y = Xt Xt

) sinx —cosx+2
® Loi giai.

Noi Pau Cé Y Chi & P6 C6 Con Dudng

C-BAI TAP TRAC NGHIEM
Cdu 1. Tim tap xac dinh 2 clia ham s6 y = — tanx.
@.@:R\{§+kn,kez}. (B) 2 =R\ {kn,k € Z}.
(©) 2 =R\ {k2m.k e Z}. @.@:R\{g-l—k%t,kez}.
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1. HAM SO LUONG GIAC

Gv Chuyén Todn 10 - 11 - 12 & LTPH

Cdu 2. Tim tap x4c dinh ctia ham s6 y = cotx.
(A) 2 =R\ {kg|ke z}.

(© 2 =R\{k2x|k € Z}.

y J/ J J

2 =R\{kn|k € Z.}.
D) 2= R\{ +kn|kez}

Cdu 3. biéu kién xdc dinh ctia ham séyz%lé

@x¢g+kn,kez. B) x£k2n, keZ. @x;«é ke (D)x#£kr, keZ.
Cdau 4. Véiky hiéu k € Z, diéu kién x4c dinh ctia ham sc‘)y—zlsfl—z(js_xll

(A)x # k2. (B) x # k. @x;é§+k7r. @x#g—kk%r.

~ N 4 T
Cau 5. Vi ky hiéu k € Z, didu kién xdc dinh ciia ham 6 y = tan <2x _ §> I3

@x#g—i—k; x;é%+kn.

@x;«ég—i—km @x;«é——i—k—

Cdu 6. Tap gid tri ciia haim s6 y = cosx 12 tAp hop nao sau diy?

AR (—oo:0].
. 6 Cdu 7. Tap gia tri ctia ham s6 y = sin2x 1a
— (A)[-22] [02].
) Cdu 8. Ménh dé nao dudi day ding?
(A)Ham s6 y = sinx 1a ham sb chén.
@ Ham s6 y = tanx 12 ham s6 chén.

CAu 9. Tim ham s6 1 trong cac ham sb sau:

@y: sin’ x. y:xc0s2x.

(A)x # kn,k € Z. x#g—i—kn,kez.

Cau 11. Tap xéc dinh ciia ham s y =
@Q:R\{n—i-kn;keZ}.
@.@:R\{ngkn;keZ}.

Cdu 12. Ménh dé nao duéi day sai?
(A)Ham s6 y = tanx tudn hoan v6i chu ki 7.

cosx+1

Gv Ths: Pham Hun

Ham s6 y = cotx tuan hoan vdi chu ki 7.
Cdu 13. Ham s6 y = sin2x c6 chu ky 1a

(AT =2m. .T:E.

Cdau 14. Ham sb 171:210 12 ham sb chén?

@y_sm(x—l—— y-cos(x#—%).

2

2cos3x—1 .
—1Ia

[0; +o0]. (D) [-1;1].
©[-1:1]. D) [0:1].

Ham sO y = cosx 1a ham s6 chan.
(D) Ham sb y = cotx 1a ham sb chin.

@y = xsinx. @ Y = COSX.
@x eR.

Cau 10. Tim diéu kién x4c dinh ctia ham s6 y = tanx + cotx.

X # k—n,kGZ.
2

2 =R\ {k2m;k € Z}.
(D) 2 =R\ {n+k2m;k € Z}.

Ham sb y = cosx tuan hoan véi chu ki 7.
(D) Ham s6 y = sin2x tuan hoan véi chu ki 7.

@T:n. @T:47r.
@yzsin2x.

@ y = tanx — sin 2x.

Cadu 15. budng cong trong hinh dudi diy 1a dd thi cia mot ham s6 trong bon ham sé dudc liét ké & bon

phuong 4n A, B, C, D. Héi ham s6 d6 1a ham s6 nao?

e
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Toén 10 - 11 - 12 & LTPH

y J J J
@y:1+sinx. y: 1 —sinux. @y:sinx. @y:cosx.

Cdu 16. Pudng cong trong hinh vé bén dudi 1a do thi ciia mot trong bon ham s6 dugc liét ké & bon phuong
an A, B, C, D. Hoi d6 la ham s6 nao?

@y:cosx+l. y:2—sinx. @y:2cosx. @y:cos2x+l.

Cdu 17. Tim gia tri 16n nhit va gid tri nhd nhit cia ham s6 y = y/cosx + 2.

@maxy:3vé miny = 1. maxy:3vé miny = 2.
@maxy:3vﬁ miny = —2. @maxy:3vé miny = —1.
Cdu 18. Tim tap gia tri 16n nht, gia tri nhd nhit cia ham s6 sau y = /2sinx + 3.
@maxy: V5, miny = 1. maxy = /5, miny = 2v/5.
@maxy: V5, miny = 2. @maxy:\/g, miny = 3.
Cdu 19. Tim tap gid tri 16n nhét, gia tri nhd nhat ctia ham s sau y = 1 4+ 3sin <2x — g)
@miny: —2, maxy = 4. miny = 2, maxy = 4.
@miny:—Z, maxy = 3. @miny:—l,maxy:4.
Cdu 20. Tim tap gia tri 16n nhit, gid tri nhd nhit ctia ham s sau y = 3 — 2cos? 3x.
@minyzl,maxy:2. miny= I, maxy = 3.
@miny:2, maxy = 3. @miny:—l,maxy:3.

Cdu 21. Tim tap gia tri 16n nhéit, gia tri nhd nhat ctia ham sd sau y = 1 4+ /2 +sin2x.
@miny:2, maxy = 1 ++/3. miny:2, maxy =2+ /3.

@minyzl,maxy:1+\/§. @minyz I, maxy = 2.
- . . . 4
CAu 22. Tim tap gia tri 16n nhat, gia tri nh6 nhat cda ham s6 sau y = ———-—.
A A 1+ 2sin“x
@minyzg,maxy:4. miny: g,maxyz?).
4 1
@miny:§,maxy:2. @minyzi,maxy:4.

Céu 23. Tim tip gia tri 16n nht, gia tri nho nhit ctia ham sb sau y = 2sin®x + cos? 2x.
@maxy:4, miny = maxy:3, miny = 2.

Z.
3
@maxy:4, miny = 2. @maxy:3, miny = T

Cdu 24. Tim tap gia tri 16n nhét, gia tri nhd nhit ctia ham s sau y = 3sinx+4cosx+ 1.
@maxy:6, miny = —2. maxy =4, miny = —4.
@maxy:6, miny = —4. @maxy=6, miny = —1.

Cdu 25. Tim tap gia tri 16n nhét, gia tri nhd nhit ctia ham s sau y = 3sinx+4cosx — 1.
@miny: —6;maxy = 4. miny = —6;maxy = 5.
@miny: —3;maxy = 4. @miny: —6;maxy = 6.

Cdu 26. Tim gia tri 16n nhét, gid tri nhd nhat ciia haim s6 y = 3sinx+4cosx — 1.
@maxy:4,miny: —6. maxy = 6, miny = —8.
@maxy:6,miny= —4. @maxy:&miny: —6.
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1. HAM SO LUONG GIAC Gv Chuyén Toén 10 - 11 - 12 & LTBH

y J/ J J
N 2 1. 3 o o .
Cdu 27. Goi T latap gia tri chaham so y = 3 sin’ x — 708 2x+ 3. Tim tong cac gia tri nguyén cta 7.
(A) 4. 6. ©)7. D) 3.

Cdu 28. Ham s6 y = cos?x + sinx+ 1 ¢6 gid tri 16n nhit va gia tri nhd nhét 1an lugt bang

@3;1. I;—-1. 2;0. @22
4

4’

Cdu 29. Gia tri 16n nhit ctia ham sb y = 2cos?x —sin2x+ 5 la
A 643 ® 63 Cva D -3

A A 1% s s 2 i 2 1
Cau 30. Tim gia tri I6n nhat M cia ham s0 y = Slflx—k cosxt :
sinx 4 cosx +2

(AM = -2. B) M =-3. (C©Mm=3. DM=1.

_HET—

Gv Ths: Pham Hung Hai
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

Gv Chuyén Todn 10 - 11 - 12 & LTPH

Bir2. PHUONG TRINH LUONG GIAC CO BAN

A-KIEN THU'C CAN NHO

D Phuong trinh sinx = a.
™ Trudng hop a € {—1;0;1}.

sin .
sin
AR "
P <
B/

sinx:1<:>x:§—|—k27r

sinx=—-1&x=-24+k2n

cos

sinx =0 < x = kx|

1 2 3 . e e 4 x y
& Truong hop a € {:I:E;j:%;:t\/?_}. Ta bam may | SHIFT @ [a]dé doi sO a ve goc o hodc B° tuong
ung.
@ Cong thuc theo don vi rad: o
) x=o+k2w
sinx =a & kel NA—--fF-2
X=T—0o+k21 a
@ Cong thuc theo don vi do: 0
x = PB° +k360°
inx =a < keZ
Sinx a [x _ 1800 . BO —|—k3600
™ Trudng hop a € [—1; 1] nhung khéc cic sb & trén.
= arcsina+k2n
¢ keZ

. X
sinx=a & . ,
= —arcsina + k2w

@ Cong thiic md rong cho hai ham f(x) va g(x)

sinf(x)] = sing(x)] < [

B Phuong trinh cosx = a.
™ Trusng hgp a € {—1;0;1}.

y J/ J J

o

17/63 ’
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2. PHUONG TRINH LUONG GIAC CO BAN Gv Chuyén Todn 10 - 11 - 12 & LTDH

y J/ J J

sin

1\
B/

[cosx=1ox=knr| |cosx=-lox=n+kn cosx=0x=7+kr
\ 1L, V2 V3 o e A - o
& Trudng hgp a € ii;iT;iT . Ta bam mdy | SHIFT |[cos|[a] dé doi s0 a ve gbc o hodc B° tuong
ung.
@ Cong thuc theo don vi rad:
N x=oa+k2xn ke
— cosx = ,
O r=a x=—0o+k2m !
- - |
! cos
27 @ Cong thuc theo don vi do: 0 "
= | o o :
= B°+ k360 '
- cosx=as | P o o kEZ N
E x = —B°+k360
O-
L
(2
2 ® Trudng hop a € [—1;1] nhung khéc cic sb & trén.
[
>
(D X = arccosa+ k2w
cosx=a< keZ
X = —arccosa+k2m
@ Cong thiic md rong cho hai ham f(x) va g(x)
x)=g(x)+k2m
cos[f(x)] = coslg(x)] < | = &) kel
f(x) =—g(x) +k2m
B Phuong trinh tanx = a.
N \/?_) A . Q2 3R A X s o o
& Trudng hgpa € O;j:T;il;i\/g . Ta bam may | SHIFT @dedm sO a vé goc o hoac B° tuong

ung.
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

@ Cong thuc theo don vi do:

tanx =a < x = B°+kl180°, ke Z

/

® Truong hop a khac céc s6 & trén thi

tanx = a < x = arctana + k7w, k € Z.

B Phuong Trinh cotx = a

3 ) |
& Truong hop a € {i%;il;iﬁ}. Ta bam may | SHIFT dé doi so a ve goc a hoac B° tuong
a

T
ung. Riénga =0thi @ = >

@ Cong thuc theo don vi rad:

a cotang

cotx=a<x=a+kn, keZ

@ Cong thuc theo don vi do:

cotx=a<x=B°+kI80°, ke Z

@ Truong hop a khac cic sb & trén thi

cotx =a < x =arccota+km, k € 7.

B-PHAN LOAI, PHUONG PHAP GIAI TOAN

%& Dang 1. Gidi cdc phuong trinh lvong gidc co bdn

e Chon va rap cong thic nghiém.

e Nhian dang (bién ddi) vé diing loai phuong trinh co ban, xem sb a quy d6i vé goc "dep" hay xiu

b

¢ Vidu 1. Gidi cac phuong trinh sau:

3
a) sin3x=—§ b) 2sin (g—x> 1

c) 2sin(x—45°)—1=0

Gv Chuyén Toén 10 - 11 - 12 & LTBH
@ Cong thuc theo don vi rad: tang
tanx=a<sx=a+kn, ke’ NAd

o
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2. PHUONG TRINH LUONG GIAC CO BAN Gv Chuyén Todn 10 - 11 - 12 & LTPH

y J J J
2
d) cos(x—?):l e) V2cos2x—1=0 f) 3cosx—1=0.
® Loi gidi.

OO | o
I ----------------------------------------------------------------------------------------------
O
C ..............................................................................................
2= N
- -

De|

-: ..............................................................................................
m ----------------------------------------------------------------------------------------------
O |
L
o |
D
O

$> Vidu 2. Gidi cac phuong trinh sau:
a) tan3x:—£ b) ﬁtan(z—x) =1 ¢) tan(x—45°)—1=0
3 6
d) sinx—+/3cosx =0 e) V3cotx—1=0 f) (tanx—2)(cotx+1)=0.
® Loi gidi.
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

$> Vidu 3 (A.2014). Giai phuong trinh sinx+ 4 cosx = 2 + sin2x
® Loi gidi.

D6 C6 Con Puong

& Dang 2. Gidi cdc phuong trinh lwong gidc dang mé réng

e Bién ddi vé mot trong cic cAu triic sau 6

® sinu = sinv @ cosu =cosv ® tanu = tany @ cotu = cotv >

e Chi y cic cong thiic bién d6i lugng gidc sau: 8

® —sinx = sin(—x). @ —cosx =cos(m—ux). ‘g

® sinx = cos (g—x). @ cosx = sin (g—x). G_J

, 3

$® Vidu 4. Giai cac phuong trinh sau:
a) sin3x = sin2x b) sin2x —sinx =0 ¢) sinSx—+sinx=20
d) cos2x—cosx =0 e) cos8x—+cosx=0 f) cosdx—sinx =0
o Loi gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN Gv Chuyén Todn 10 - 11 - 12 & LTPH

y 4/ J J

$> Vidu 5 (B.2013). Giai phuong trinh sin5x +2cos?x = 1
® Loi gidi.

& Dang 3. Gidi cac phuong trinh lvgng gidc cé diéu kién xdc dinh

Gv Ths: Pham Hung Hai

> Vidu 6. Giai cic phuong trinh sau:

COSX cos?x —sinx

— =0 b) ——— =0 ¢) tanx(1—2sin®x) =0
1 —sinx ) V2 —sinx ) ( )

® Loi gidi.

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J J J
2
¢ Vidu 7. Giai phuong trinh tan (2x+ E) +tan (g —x) =0 R
® Loi gidi >
n)
.............................................................................................. .
.............................................................................................. (o)
.............................................................................................. O
.............................................................................................. ‘0
O
.............................................................................................. O
.............................................................................................. m
.............................................................................................. (\O
pa—
L
$® Vidu 8. Giii phuong trinh (cotE — 1) (cotE + 1) =0. O
3 2~ . “ 2. \>-
® Loi giai. 0
.............................................................................................. (@)
.............................................................................................. -
.............................................................................................. ‘0
n)
.............................................................................................. ¢
P
¢ Vidu 9. Giai phuong trinh sin2x +j§(ﬁfa;;mx -1 0
® Loi gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN Gv Chuyén Todn 10 - 11 - 12 & LTDH

y J/ J J

& Dang 4. Gidi cdc phuong trinh lwong gidc trén khodng (a;b) cho trudc

@ Giai phuong trinh, tim cac ho nghiém x = o + k7
@ Vix € (a;b) nén a < o +km < b, chuyén vé tim khoang "dao dong" cta k.
@ Két hop v6i k € Z, ta chon céc gid tri k nguyén nam trong khoang vira tim dudc.

@ V6i moi gid tri k, ta thay vao tim nghiém tuong tng.

> Vidu 10. Tim nghiém cta cdc phuong trinh lugng gidc sau trén khoang cho truée

7
a) v/3tanx—3 =0 trén (0,37). b) v2sin(x—1) = —1 trén (_;,g)
n & —Oten (T T
c) 2cos (Sx— 5) —1=0tén (—7m, 7). d) tan(3x+2) — /3 =0trén ( > 2),
o Loi gidi.

Gv Ths: Pham Hung Hai

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

Co6 Con buong

6

Op

e

Noi Dau Cé Y Chi

L

’, 000 N 20 T 2
$> Vidu 11. Giai phuong trinh 3 — /3 tan (2x—§) =0 v6i Tﬂ: <x< ?ﬂ:

® Li gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN Gv Chuyén Todn 10 - 11 - 12 & LTDH

y J/ J J

$> Vidu 12. Gidi phuong trinh tan (x +30°) 4+ 1 = 0 v6i —90° < x < 360°.
® Loi gidi.

) : : N UV
s ¢S Vidu 13. Timx € (—m;7) saochosm(x 3)+2,cos<x—i—6>—().
® Loi giai.

C-BAI TAP TRAC NGHIEM

Cau 1. V6i k € Z thi phuong trinh 2sin(x + 60°) = /3 ¢6 nghiém la
(A)x = k.180°%;x = 60° + k.180°. x = k.360%;x = —120° + £.360°.
(C)x = k.360%x = 60° + k.360°. (D) x = —30° +£.360%; x = 90° + £.360°.
Cdu 2. Phuong trinh nao dudi day c6 tap nghiém triing véi tap nghiém clia phuong trinh sinx = 0?
@tanx:O. (B) cosx = —1. @cotle. @cosle.
Cadu 3. Tim m dé phuong trinh cos2x = 1 — m c6 nghiém.
(A)-1<m<3. B o<m<2. ©m<2. (D)m>0.
Cau 4. Phuong trinh nao sau diy v nghiém?

@sinxz % tanx = /3. @sinx:3. @cosx: —%.

Cadu 5. Phuong trinh sinx = m v6 nghiém khi va chi khi
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J
<—1
Am>1. B m< 1. ©-1<m<1. © "
m> 1.
Cau 6. Nghiém cia phuong trinh sinx = —1 la
@x:—ngkn,keZ. (B)x—kn,keZ.
3
©x=§+kn,kez. @xz—g+k27r,k€Z.
N 3
Cadu 7. Tim nghiém cda phuong trinh cot (x— g) = %

@x:§+kn,kez. xzz?n—i-kn,keZ. ©x:§+k2n,kez. D)x=kn, ke

- 3 A s
Cadu 8. Phuong trinh cosx = —% ¢ tap nghiém la

5
@{x::thran;keZ}. {x::t§+k7t,keZ}
@{x::thran;keZ}. @{x::tg+k7t;keZ}
. foa o V3
Cdau 9. Tim tat ca cac nghiém cta phuong trinh sin3x = -
- -
w= B R e x="ikon ke
@ 9 3 9
2 k2w ) 2 :
X:?—FT,kGZ x=?+k27r,k€Z
. k . k2
=2 ez PR Y
@ 9 3 @ 3 3
27t+k71' keZ. 27r+k27t keZ‘
X=—— —_ X= — -
L 9 3’ 8 3 37
Cdu 10. Nghiém ctua phuong trinh 2sinx+1 =0 1a
I1m . -7 T . —r
@x:T+k27rvax:?+k27r. x:g+k27tvax:T+k27r.
@x:%ﬂ—l-kn'vax:%r—i-kn. @x:%ﬂ+k27rvéx:%r+k27r.

Cadu 11. Phuong trinh sinx — cosx = 1 ¢c6 mdt nghiém la
T /4 2r
——. —. —. TT.
Obs : : ®
Cdu 12. Tap nghiém cia phuong trinh sin2x =1 1a

@{ngan,keZ}. {§+kn,keZ}. (©) {km k€ Z}. @{gulm,kez}.

~ 2 £
Cau 13. Phuong trinh sinx = 3 ¢6 s0 nghiém thudc (—m; )

A1 B 3. ©2. D)4

- . 3 Do x A o . « s
Cadu 14. Cho phuong trinh sin2x = % Goi n 1a s0 cac nghiém cia phuong trinh trong doan [0;37] thi gid
tri cua n la

@n:& n:5. @n:6. @n:2.

Cdu 15. Tim tit ca cac nghiém clia phuong trinh sinx — cosx = 0.

5

@x:i§+k2n(keZ). x:%+k27t;x:%+k27r(k€Z).
5

@x:%—i-an(keZ). @x:%—i—an(keZ).
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2. PHUONG TRINH LUONG GIAC CO BAN Gv Chuyén Todn 10 - 11 - 12 & LTDH

y J/ J J

Cdu 16. Tim sb do ba géc clia mot tam gidc can biét rang sd do ctia mot géc 1a nghiém ciia phuong trinh

T 7'C T T W 2n ©w n}
w5338 73) O
2n ﬂ}
o{F 58 ©{333})
Cau 17. Tim tht ca céc gia tri m d€ phuong trinh sau c6 nghiém: cos2x =
(Am<1. B -1<m<1. (©-—2<m<2. (D) m < —1hodc m > 1.

Cdu 18. S6 nghiém ctia phuong trinh 2 cos (x — g) = 1 trong khoang (0; 7) la

A4, B 1. (©)2. D) 3.

Cadu 19. Phuong trinh 2cosx — 1 = 0 ¢6 nghiém la

l
COS2x = ——

Wiy Wiy

Tz
'373
Tz
'373

S

@x:i%JrkZﬂ,kEZ. x:igwm,kez.
@xzj:%+27r,keZ. @x=i§+k2n,kez.
Cadu 20. Tap nghiém cta phuong trinh cos2x = —1 Ia
“5:5 (A) —knk € Z. {—g—i—kn,kez}.
o @{—§+k2ﬂ,keZ}. (D) {90° + k180°, k € Z}.
D

Cadu 21. So diém biéu dién cac nghiém cia phuong trinh sin <2x—|— §> =5 trén duong tron lugng giac

a@4. B®) 6. ©1. D) 2.

Cadu 22. Phuong trinh cos)—zc = —1 ¢6 tdp nghiém la

(A) {271+ kan|k € 7). {(n+k2nlkez}.  (C){kénlk € Z}. (D) {k27|k € Z.}.
Cau 23. Nghiém ciia phuong trinh sin* x — cos*x = 0 1a
(A)x=rm+k2m. (B) x=k=. @x=§+kn. @x=§+k§.

CdAu 24. Tim tt ca nghiém ctia phuong trinh sinx. cosx. cos2x = 0.

@k (k€ 7). (B) kr (k€ Z). @k (k € 7). @k (k€ 7).

Cdu 25. Tinh tong cdc nghiém x € [0;20187] ctia phuong trinh sin2x = 1.
4071315 4071315 8141621 8141621
@S:—ﬂ, (B) §= 20T @S:—ﬂ. D)§s= 202

2 4 2 4
CdAu 26. Tim s6 nghiém thudc khoadng (—7; 1) clia phuong trinh cosx + sin2x = 0
(A) 1. (B 4. (©)2. D) 3.
Cau 27. Phuong trinh sin5x — sinx = 0 ¢6 bao nhiéu nghiém thudc doan [—20187;20187]?
(A) 16145. 20181. (C)20179. (D) 16144.
Cau 28. Tim tit ca cac gid tri nguyén clia tham sb m d€ phuong trinh cos? 7x = m? — 9 c6 nghiém.

(A)s5. ®) 2. ©1. D)3.

— HET—

Gv Ths: Pham H
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

29/63 ‘

Bir3. MOT SO PHUONG TRINH LUQNG GIAC
THUONG GAP

A-KIEN THUC CAN NHO

EB) Phuong trinh béc nhét déi véi mét ham sé luong gide

(¢' Dang phuong trinh

Gv Chuyén Todn 10 - 11 - 12 & LTPH

y J/ J J

® a-sinx+b=0 @ a-cosx+b=0

® a-tanx+b=0 @ a-cotx+b=0

(¢ Phuong phap gidi: Chuyén vé, bién ddi vé phuong trinh co ban.

b b
® ag-sinx+b=0<sinx=—— @ a-cosx+b=0&cosx=——
a a

b b
® ag-tanx+b=0%&tanx = —— @ ag-cotx+b=0&cotx = ——
a a

E®) Phuong trinh bac nhét déi véi sinx va cosx

(¢' Dang phuong trinh

e asinxtbcosx=c (I).

e Diéu kién c6 nghiém a? + b> > ¢2.

(¢ Phuong phdp gii: Chia 2 vé phuong trinh cho v/a? + b2. Khi d6

b c
sinx+ ————cosx = ———
va-+ vas+

2 b2 2 b2

c

va? +b?

c a b
——— (2), v0i cos ) = ——= va sing = ———.
Vva*+b? @) ¢ a’+b? ’ Va*+b?
Phuong trinh (2) la phuong trinh co ban da xét § bai trude.

OIS o

& cos@-sinxEsing -cosx =

& sin(xt¢) =

Chu y hai cong thuc sau:
e sinacosb £ cosasinb =sin(a+tb).

e cosacosb+tsinasinb = cos(aF D).

E®) Phuong trinh bac hai déi véi mét ham sé lugng gidc

(¢' Dang phuong trinh

o
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Toan 10 - 11 - 12 & LTBH

Gv Ths: Pham Hung Hai

@ a-sinfx+b-sinx+c=0 @ a-cos’x+b-cosx+c=0

® a-tan’x+b-tanx+c=0 @ a-cot?x+b-cotx+c=0

(¢ Phuong phdp giai

e Dit 4n phu #, chuyén phuong trinh vé n z.
e Bim mdy, tim nghiém . Sau d6, gidi tim x.

e Chi y v6i phuong trinh s6 @ va @ thi —1 <¢ < 1.

B-PHAN LOAI, PHUONG PHAP GIAI TOAN

2 Dang 1. Gidi phuong trinh béac nhat ddi véi mét ham sé luong gide

$> Vidu 1. Gidi cac phuong trinh sau:

a) 2sinx+1=0; b) vV2cosx—1=0;
C) tanx++/3 = 0; d) V3cotx—1=0.
® Loi gidi.

y J/ J J

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

$> Vidu 2. Gidi cac phuong trinh sau:

2) 25in(x—%)+1=0. b) ﬁcos(3x—§>—1=0.

c) tan(%—x)—k\/g:O. d) \/§cot(x+%)+3:0.

Noi Pau Cé Y Chi & P6 C6 Con Pudng

=
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Todn 10 - 11 - 12 & LTDH

y J/ J J
$> Vidu 3. Tim tit ca cac nghiém ctia phuong trinh 2sin2x — 1 = 0 trong doan [—27;27].

® Loi gidi.
‘:6 ..............................................................................................
|
O
c
I R T T T T TR
XL
£ ¢ Vidu 4. Giai phuong trinh (2cosx — 1) (sinx + cosx) = sin2x — sinx.
_g ® Loi gidi.
m ----------------------------------------------------------------------------------------------
B |
L
o |
6 ..............................................................................................

[ BAITAP TU LUYEN
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

Bai 1. Giai cdc phuong trinh sau

a) 2cos2x++/3=0. b) 2sin3x+1=0
¢) 2c0s2x—v/2 =0, d) 3—2v/3cos (x—{—%) —0.
2
e) 2cos(x—g)+1:0. f) 2\/§sin<x—|—?ﬂ) = /6.
g) 3sin(x—1)+2=0. h) ﬁtan(g—Zx)+1:O.
i) (cos2x++/2)(cot3x—1) =0. j) 2—2+/3tan (x+§) =0.
Bai 2. Tim nghiém cua cic phuong trinh lugng giac sau trén khoang cho trudc
m 7 g
a) v/3tanx—3 =0 trén (0,37). b) v2sin(x—1) = —1 trén (-7;5). 5
4
~ b
Bai 3. Gidi phuong trinh 2sin” 2x +sin7x — 1 = sinx. )
Bdi 4. Giai phuong trinh (cosx — sinx) sinxcosx = cosxcos 2x. S
Bdi 5. Giai phuong trinh (2sinx — cosx)(1 4 cosx) = sin®x. O
& Dang 2. Gidi phuong trinh bac hai déi véi mét ham sé luwong gide ‘8
‘O
> Vidu 5. Giai cac phuong trinh sau g
o
a) 3sin’x—5sinx+2=0; b) 4cos?x—4cosx—3 =0, =
C) 3sin22x+70052x—3:0; d) V3tan?x —2tanx+ /3 = 0. O
>
® Loi gidi. O
.............................................................................................. O
-
.............................................................................................. O
.............................................................................................. m
.............................................................................................. >
.............................................................................................. =
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Todn 10 - 11 - 12 & LTDH

y 4/ J J

¢ Vidu 6. Giii cic phuong trinh sau

a) cos2x+cosx+1=0; b) 6sin”3x+ cos 12x = —2;
¢) cosdx+ 6 =7cos2x; d) 7tanx+4cotx=11.
® Loi gidi.

Gv Ths: Pham Hung Hai

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

Co6 Con buong

6

Op

¢ Vidu 7. Gidi cic phuong trinh sau

24/2 5
—fzo; b) tanx— —— +7 =0.
1+cot?x cosXx

e

Noi Dau Cé Y Chi

a) 1—(2+2)sinx+

L

® Loi gidi.

=
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Todn 10 - 11 - 12 & LTDH

y 4/ J J

$9 Vidu 8. Gidi cic phuong trinh sau

cos2x + 3 cot2x + sindx _». b) 4sin% 2x + 6sin%x — 9 — 3cos 2x B
cot2x — cos 2x -7 cosXx N

a)

a

 Loi gidi.

ung H

Gv Ths: Pham H

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

[ BAI TAP TU LUYEN |

Bai 6. Giai cac phuong trinh sau O
cC

a) cos’x+cosx—2=0; b) 2sin’x —5sinx+2 = 0; O

. >

¢) 6¢cos?x+5sinx—7=0; d) 3tan®x —2v/3tanx+ 1 =0. QA
Bai 7. Giai cac phuong trinh sau: S
a) 2tanx+cotx—3 =0 b) 5sinx—2 = 3(1 —sinx)tan’x ; O
‘O

_ . a2 (X (@)

¢) 2cos2x.cosx = 1+ cos2x+ cos3x; d) cos2x-+cosx =4sin (—) —1

)

Bai 8. Tim nghiém x € (0;107) cta phuong trinh

5~ —tanx— 2v/3 = sinx (1 + tanx. tan E) . o
COS* X 2

& Dang 3. Gidi phuong trinh bac nhét déi véi sinx va cosx

O

j =

¢S Vidu 9. Giai cac phuong trinh sau: O

(n)]

a) sinx-+ V3cosx=1; b) V/3sin2x — cos2x = 2; 6

c) sin2x — V3cos2x =2; d) 3sinx+ cosx = 2. <
® Loi giéi.
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Todn 10 - 11 - 12 & LTPH

y 4/ J J

ung Hai

Pham H

Gv Ths

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

. , " 2 6w\ . )
$> Vidu 10. Tim céac nghiém x € (?, 7) clia phuong trinh cos 7x — v/3sin7x = —/2.

o Li gidi.

2
$> Vidu 11 (D.2007). Gidi phuong trinh (sing +cos %C) ++/3cosx = 2.
® Loi gidi.

Noi Pau Cé Y Chi & P6 C6 Con Pudng

=
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Todn 10 - 11 - 12 & LTDH

y 4/ J J

. 1—2si
> Vidu 12. Gidi phuong trinh — 0 —250%)€0S%
(1+2sinx)(1 —sinx)

® Loi gidi.

[ BAITAP TU LUYEN

Bdi 9. Gidi cac phuong trinh sau:
a) cosx— V3sinx =1 b) V3sinx +cosx = /2

c) V3cosx—sinx =0 d) sin3x— V/3cos3x = 2sindx
Bai 10. Giai cdc phuong trinh sau

a) cos(m—2x)—cos (2x+ g) =2
b) V/3cos2u+sin2v+2sin (26— 2 ) =2v2;

¢) sinx — V/2cos3x = /3cosx++/2sin 3x;

d) cos7xcosS5x — V/3sin2x = — sin5xsin7x.
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

Bai 11. Giai cic phuong trinh sau:
a) sinx— V3 cosx = 2sin5x
b) /3sin2x+ 2sin’x =2
c) V/3cos5x —2sin3xcos2x —sinx = 0
d) cos7xcosSx — V/3sin2x = 1 — sin7xsin5x
e) sinx-+ cosxsin2x+ v/3cos3x =2 (cosdx+ sin3x)

f) tanx—3cotx=4 (sinx+ \/§cosx)

s .. N . Y .
Bai 12. Giai phuong trinh 2sin(x + g) +sinx+2cosx = 3.

Bdi 13. Giai phuong trinh (sin2x + cos 2x) cosx + 2 cos 2x — sinx = 0.
Bai 14. Giai phuong trinh sin2x — cos2x+ 3sinx — cosx — 1 = 0.

& Dang 4. Phuong trinh ddng cdp béc hai déi véi sinx va cosx

(¢ Dang phuong trinh
e asin’x+ bsinxcosx+ccos?x =0
e TOng quat: asin®x+ bsinxcosx+ ccos’x = d
(¢" Phuong phdp giai
e Truong hop 1. Xét cosx = 0, khi d6 sinx = +1. Ta thay truc tiép vao phuong trinh
— Néu thdéa man, suy ra x = g + k7 12 nghiém va xét tiép Truong hop 2.
— Néu khong thda min, ta bd qua va xét tiép Trudng hop 2.

e Truong hop 2. Xét cosx # 0, chia 2 vé phuong trinh cho cos”x ta dua phucng trinh dang xét vé
dang phuong trinh bac hai theo tanx.

e Tong hgp nghiém & 2 trudng hop.

Chu y cong thic
@ SIX _ tan.x. @ sin2x = 2sinxcosx @ — = tan®x + 1
COSX COS* X
¢ Vidu 13. Giai cdc phuong trinh sau:
a) 2cos2x — 3sinx.cosx+ sinx =0 b) sin®x — sin2x — 3cos2x +2 =0
c) 4sin’x+ 3+/3sin2x — 2cos’x = 4 d) 4cos’x+sin2x—3 =0
® Loi gidi.

o
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ung Hai
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

[ BAITAP TU LUYEN

Bai 15. Giii cac phuong trinh sau:

a) 2sin%x + (3 + \/§> sinxcosx + (\/g— 1) cosx = —1

b) sin®x + sin2x — 2cosZx =

v N=

¢) 4sin®x+ 3+v/3sin2x — 2cos?x = 4

34+42
2

d) sin?x + V/3sinxcosx + 2cos?x =
e) 2sin’x — 5sinxcosx — cos?x = —2

f) 3sin®x + 8 sinxcosx + (8\/3 — 9) cosx =0

& Dang 5. Phuvong trinh chira sinx & cosx va sinx - cosx

(¢' Dang phuong trinh
e a(sinx+cosx)+ bsinxcosx+c =0.
e a(sinx—cosx)+bsinxcosx+c=0.
(¢ Phuong phap giai:
e Ditr =sinx+cosx

e Tinh 2 = (sinx +cosx)? = 1 = 2sinx- cosx. T ddy ta tinh dudc sinx - cosx.

e Thay tr6 lai phuong trinh, chuyén phuong trinh vé 4n ¢. Giai tim 7, sau d6 tim x.

Chd y

@ Pidukiénciarla —v2 <t <+2. @ sinx 4 cosx = v/2sin (x:i: %)

<> Vidu 14. Gidi cic phuong trinh

a) sinxcosx+ 2 (sinx+cosx) =2 b) sinx—cosx+4sinxcosx+1=0
T
c) 4\/§(sinx+cosx) +3sin2x—11=0 d) sin2x+ V/2sin (x— Z) =1

® Loi gidi.

o
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ung Hai

Pham H

Gv Ths

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

Gv ChuyénTodn 10 - 11 - 12 & LTBH

| BAI TAP TU LUYEN|

Bai 16. Giii cac phuong trinh
a) sinx—cosx+ 7sin2x =1

1 10
¢) sinx4+cosx+—+—=—
sinx cosx 3

C-BAI TAP TRAC NGHIEM

b) cotx —tanx = sinx+ cosx

3
d 1+ sin’x + cos’x = 5 sin2x

Cdu 1. PhUOng trinh 2sinx — v/3 = 0 ¢6 cic nghiém la

= ——|—k27‘L’

@ 3 ke
x=——+k2xn
3
x= E—I—k27t

o 3, ke

3 keZ.

2
x=§+k2n

7
xX=—+km

©®| 5, .kek

x="+k
| 3+ﬂ

Cadu 2. Cho phuong trinh sinx — (m+ 1) cosx = 2. Tim m d€ phuong trinh c6 nghiém.

(A)m e [0;-2].
(C)m € (—o0; —2] U[0;+o0).

Cdu 3. Gidi phuong trinh 2cosx — 1 = 0.
(A)x= ig TR ke L.

(©)x= §+k2n,ke Z.

Cadu 4. Nghiém cta phuong trinh cot3x = —1 1a

T
@x:E+an6ik€Z

@x——+k véi k € Z.

Cdu 5. Nghiém ctia phuong trinh sin2x = 1 1a

xz%—f—kﬂ.

A)x = %—I—kZﬂ.

B)me (—es—1—3| U |[~1+V3:+e0).
@me[ 3—1+\/_}

x:i%+k2n,k€Z.
@x:i§+2ﬂ,keZ.

x——%—{—kﬂrvdlkEZ

@x——£+k3 Vi k € Z.

@x:%”, D) x= 3 +k2m.

Cau 6. Diéu kién can va di dé phuong trinh msinx — 3cosx = 5 ¢6 nghiém 1a m € (—o0;a] U [b; +<0) v6i

a,b €Z. Tinha+b.
(A) —4. ®) 4.
Cau 7. Giéi phuong trinh sin2x = 1.
km ..
@xz;,vdlkEZ.

©x:§+kn, véi k € 7.

©o. D)3s.

x=§+k2n,v6ikez.
@x:§+k2n,vaikez.

Cau 8. Trong cdc phuong trinh sau phuong trinh nao vo nghiém?

@ tanx = 7. (B) sinx = g

D) cosx = 2017

i =2.
©51nx+cosx 2018
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Gv Chuyén Toan 10 - 11 - 12 & LTBH

y J/ J J

Cdu 9. Nghiém ctia phuong trinh sin3x = cosx la

k
@x:ig—l—an;keZ. x_§+ % §+kn;kez.
©x:§—kn;kez. @x:§+kn,kez.

Cau 10. Tim sb diém phan biét biéu dién cdc nghiém clia phuong trinh sin2x — cosx = 0 trén dudng tron

lugng giac.
(A)1. (B) 4. (©)3. D) 2.

Cau 11. Goi xq 1a nghiém duong nhé nhét ctia phuong trinh 3 sin” x + 2 sinxcosx — cos”> x = 0. Chon khéng
dinh ding.
T T 3n
@X()€<O;§>. X()E( 27'6) ©Xo€<5;ﬂ?>. @x()E(JT;T).

Céu 12. Nghiém ciia phuong trinh 2sin (4 . g) 1=01

® x=km o=k
ke Z). keZ).
x=§—|—k27r( : v=ntion * P
= k2 x= 2 +i2
X=T T x=<+tk>
8 2
N © L& ke D) 5. o (kED)
| 2 _)C = a +k§

O) Cdu 13. Phuong trinh 2sinx — 1 = 0 c6 bao nhiéu nghiém x € (0;27)?

3 @ 1 nghiém. 4 nghi€ém. Vo6 s6 nghiém. @ 2 nghiém.
-~ cau 14. Giai phuong trinh cos2x+ Ssinx — 4 = 0.
T T T

& @x=—+k7r. (B) x=k2rm. ©x=—+k7t. @x:—+k27r.
o- 2 2 2
L . : L. T i
o Cadu 15. Cho sinx+cosx = 5 va 0<x< 5 Tinh gia tri cua sinx.

7 1—7 1 7 1—-v7 1 7
2 @sinx: \/_ (B) sinx= +\/_. @sinx: \/_ @sinx: +\/_.
— 4 4 6 6
~ Cau 16. Cho xo la nghiém ctia phuong trinh sinxcosx + 2(sinx + cosx) = 2. Khi d6, gid tri cla P =
(D 3 4sin2xq la

V2

Céu 17. Giai phuong trinh sin3x + cos 3x = /2.

©pr=o. D) P=3.

T 2n T T
@x_§+k?kez. x—g+k§k€Z.
©x:§+kn,kez. @x——+k3 ke

Céu 18. S6 nghiém ctia phuong trinh v/2 cos (x+ §> =1v6i0<x<2m.

(A) 4. (B) 3. ©1. D) 2.
Cau 19. Phuong trinh cosx = 0 ¢6 bao nhiéu nghiém thudc khoang (—m; 7)?

A)3. 1. (©)o2. D) 4.

- . . A ik P . 1 N
Cadu 20. Tong 2 nghiém duong lién ti€p nhd nhat ctia phuong trinh cos4x + 5= 0la

5w T T T
9 g. @E.

3 o
Cadu 21. Cho phuong trinh cos 2x + cosx = 2. Khi dit r = cosx, phuong trinh da cho tré thanh phuong trinh
nio dudi day?

(B)22—1—1=0. (©)22—1-3=0. (D)22+1—1=0.

(A)22+1—-3=0.
B Th.S Pham Hung Hai — @ 0905.958.921 m
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

3x

Cdu 22. S6 nghiém phuong trinh S thudc doan [27;47] la
cosx+1

(A)6. 2. (©)a. D)5.
CAu 23. Tim tit ca cdc gia tri ctia tham sb m dé phuong trinh cos?>x = m — 1 ¢6 nghiém.

A 1<m<2. B)m<2. C1<m<2. D)m > 1.

Cau 24. biéu kién ctia tham sb thuc m d€ phuong trinh sinx + (m + 1) cosx = /2 v nghiém la

(A)m>0. B) —2<m<0. © m=0 D)m< —2.

m< -2
Cdu 25. C6 bao nhiéu gia tri nguyén duong ctia m dé€ phuong trinh msin2x — 3 cos 2x = 2m+ 1 ¢6 nghiém?

(A) 4. 2. ©1 (D) 10.

Cdu 26. Tim s6 do géc clia mot tam gidc can biét rang c6 sd do clia mot géc 1a nghiém ciia phuong trinh

©{§’3’3}’{3’6’6 ‘ © 3’
Cdu 27. Cho0< a < g théa man sin & + v/2sin <g —OC) = /2. Tinh tan (OH— %)

9+4y/2 —9+4v2 9—4y/2 9442
®- 7 7 © 7 © 7
Cdu 28. Tinh téng tht cd T céc nghiém thudc doan [0;2007] clia phucng trinh cos 2x — 3 cosx —4 = 0.

(A) T = 10000 T = 5100z (©)T =5151x. (D) T = 10100z

Cau 29. S6 nghiém cia phuong trinh cos” x — sin2x = v/2 + cos? (g —I—x) trén khoang (0;37) bing

A)4. 1. ©s. D2

Cau 30. S6 cac gid tri thuc ctia tham s m dé€ phuong trinh (sinx — 1)(2cos?x — (2m+ 1) cosx+m) =0 c6
ding 4 nghiém thuc thudc doan [0;27] la

(A 1. ® 2. (©)3. (D) V6 sb.

—HET—
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y J/ J J
Bir4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC

A-PHAN LOAI, PHUONG PHAP GIAI TOAN

%& Dang 1. Bién ddi dua phuong trinh ve dang phuong
trinh béc hai (ba) déi véi mét ham sb luvong gide

$> Vidu 1. Giai cdc phuong trinh sau

4sin%2x + 6sin%x — 9 — 3cos 2x B

( ! \/§>
COSx | sinx — 7

¢) 2tan’x+cosdx =1 d) 2sin’ x+4cos3x = 3sinx.

a) cos2x—+2cosx = 2 sin? )—26 b)

- D Li gidi.

> Vidu 2. Cho phuong trinh cos5xcosx = cos4xcos2x + 3cos2x + 1. Tim cdc nghiém cta phuong
trinh thudc (—m; )

Pip s6:
A T . T 5w
. Nghle;mx:j:g—l—kn'. e Doxe(—mm) nenx:ig;xzi?.

. . 9 15 . (A on A A
$> Vidu 3. Phuong trinh sin (2x+ ;) —3cos (x— T?t) = 1+ 2sinx ¢6 tat ca bao nhiéu nghiém
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y J/ J J

T ST
thudc d [—; —} ?
ude doan | =~
® Loi gidi.
.............................................................................................. m
.............................................................................................. c
Q
.............................................................................................. b
.............................................................................................. Q
.............................................................................................. (-
.............................................................................................. Q
O
.............................................................................................. 0
.............................................................................................. O
‘O
Pap sb QA
O
. x:kn;x:E—l—kZﬂ:;x:—n—i—an. ° Doxe[z;—] nénxzz;xzs—n. E
6 6
O
>
¢ Vidu 4. (A-2002). Tim nghiém thudc khoang (0;27) ctia phuong trinh ‘0O
3x+sin3 ©
cos3x + sin3x
5( i —) =cos2x+3. =
! Tf2sinox ) o8&t O
- o
Pap so: 6
T Sw =
e Bién ddi phuong trinh vé S5cosx =2cos2x+ e Nghiém x = =5
3.

& Dang 2. Bién ddi asinx + bcosx

¢ Vidu 5. Gidi cac phuong trinh sau

a) cosx — v/3sinx = 2cos (2x— g) b) v/3cos5x — 2sin3xcos2x — sinx = 0.
(1 —2sinx)cosx ) )
c) e ):\/§ d) sinx + cosx.sin2x -+ V3cos3x =
. . 2 (cos4x +sin’x).
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4. MOT $O PHUONG PHAP GIAI PT LUONG GIAC

Gv Chuyén Todn 10 - 11 - 12 & LTDH
y J J J
Pap s6:
T T k2r A A T T
=—+R2Tx=——+ —. = Zoy=_Z g
a) x 2+k7r,x 18+3 b) x 18+k3,x 6+k2
T 27 T T 27

¢ Vidu 6. (DB1-2008) Tim nghiém trén khoang (0; ) ctia phuong trinh
4sin2§ —/3c082x = 1 +2cos? (x — —)

3n

4
Pip s6:
5w 2r i
Nghiémx=—+4+k—;x=——+k2
e Nghiem x 18—|—3x 6—|—71'
Sm 177 5w
D O é = — = ——2 _ —.
e Dox e (0;7) nén x T ET R
‘:6 P d ~
L & Dang 3. Bién déi dua vé phuong trinh tich
O
c
i | .
= | ¢ Vidu 7. Giai cac phuong trinh sau
3
g_ a) 2sin®2x+sin7x — 1 = sinx b) cos?x+cos?2x+cos?3x = 5
L
o ¢) sinx+ sin2x+4sin3x 4+ sindx + sin5x =0 d) sin® 3x — cos? 4x = sin” 5x — cos2 6x
2 e
_ Dap so:
6 T T 2r Sm 2w n kn =&
—+k—, —4+k—,—+k—,k Z} b) —+—;+—+k keZ
a){8+418+318+3€ ) gtz i (kel)
km T /4
g d) x=k—,x=k—=
c) x 3 ) x 9,x >
$> Vidu 8. Giai cac phuong trinh sau
a) (2sinx—cosx)(1+cosx) = sin’x b) 2cosx—sin2x = 1+ cos2x
¢) (2cosx—1)(2sinx+ cosx) = sin2x —sinx d) (2sinx—1)(2sin2x+ 1) =3 —4cos’x.

Pap so:

T T
=+Z 4 K2mx=—= +km.
c) x 3 T, X T

5
a) Xx=T+k2m x = g+k2n;x: g+k27r.

b) x= g+k7r;x:k27r.

d) x:kn,x=i§+k2ﬂ,x:g+k2ﬂ,x=

5w
— +k2r.
6 +

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J/ J J

$> Vidu 9. Giai cac phuong trinh sau
1 1 . (Tn : : 1
a) sinx+ ) ( 37r) —4sm(T—x). b) sm2x+smx—2sinx— Sinox =2cot2x
nlx——
2
¢) (sin2x+ cos2x)cosx+2cos2x —sinx =0 d) sin2x—cos2x+3sinx—cosx—1=0
Pap sb:
T T 5w T T
a) x——Z—I—kﬂ,x——g—l—kﬂ?,x—?—Fkﬂ. b) X_Z+k§
T T T 5w
c) x:Z+k§. d) x=g+k27r;x:?—|—k27r

& Dang 4. Mét s bai todn bién luén theo tham sé

> Vidu 10. Cho phuong trinh cos2x + 5cosx+5 —m = 0. Xac dinh tit ca cdc gid tri ctia m d€ phuong
trinh c6 nghiém x € [g, n] .
® Loi gidi.

Noi Pau Cé Y Chi & P6 C6 Con Dudng

Pap so:

e Bién d6i cos2x = 2cos?x— 1.

o Kétquam>1.

$> Vidu 11. Biét ring phuong trinh v/2sinx + v/2cosx+m?* —m = 0 (véi m 1a tham s6) c6 nghiém khi
m € [a;b]. Tinh gi4 tri biéu thiic P = a? + b>.
® Loi gidi.

51/63 ‘ B Th.S Pham Hung H&i - 8 0905.958.921 ﬂ




4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTDH

y 4/ J J

Pap so:

e St dung diéu kién c6 nghiém.

e Kétquame [—1;2]. Vay P =5.

$> Vidu 12. Cho phuong trinh (sinx+ 1)(sin2x — msinx) = mcos®x. Tim tap tit c4 cdc gia tri thuc clia
£ ° . o v/
tham so m dé phuong trinh c6 nghi€ém trén khoang (0; g) .
® Loi gidi.

Gv Ths: Pham Hung Hai

Dbap so:

e Phan tich nhan ti;
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y 4/ J J

V3

$> Vidu 13. Tim tap céc gia tri thuc clia tham s& m d€ phuong trinh msin?x — 3sinxcosx —m — 1 =0

3n
c6 ding ba nghiém thudc khoang (0; 7) .

® Loi gidi.

P66 C6 Con buong

Pap sb: ‘O

e Chia hai vé cho cosZx.

e Kétquam e (—o0;—1).

2

Noi Pdau C

> Vidu 14. Sb cic gid tri nguyén ctia m dé phuong trinh (cosx + 1) (4 cos 2x — mcosx) = msin”x c6
. n 2%
ding 2 nghiém x € |0; 3 la
o Loi gidi.

o
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4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTDH

y 4/ J J

Gv Ths: Pham Hung Hai

Dap so:

e Phin tich nhan tu.

e Kétqua: mec Znénme {-3;-2}

& Viduy 15.
Cho ham s6 bac ba y = f(x) c6 do thi nhu hinh vé. S6 nghiém thudc doan [0;57] y
cua phuong trinh f (cosx) = 1.
Pip s6:

e Giao clia dd thi véi dudng nim ngang.

e Két qua 5 nghiém.
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

55/63 ’

D Loi gidi.

y J/ J J

B-BAI TAP TU LUYEN

Bai 1. Tim x thudc doan [0; 14] nghiém ding phuong trinh cos 3x —4cos2x+3cosx—4 =0

s . , X
Bdi 2. Giai phuong trinh tanx + cosx — cos’x = sinx (1 + tanx. tan 5) :

(2— sin22x) sin3x

Bdi 3. Giai phuong trinh tan*x +1 = -
COS™X

27 5w 27

P4 A: AN Sttt iad
ap so: x 18+ 3,x 18+ 3
. 4 4
. sin"x+cos"x 1 1
Bai 4. Giai ph inh ———— = —cot2x — .
qa Giai phuong trin Ssinox 2cot X S sin2x

Pap sb: x = :I:% + k.

S ‘. < . T
Bdi 5. Giai phuong trinh sin® (g — Z> tan’x — coszg =0.

) T
bapso: x=m+k2m; x = 7 + k.
Bai 6. Giéi phuong trinh cos2x + cosx (2tan’x — 1) =2
) T
bap s6:x = (2k+ 1), x = :|:§ +k2m
Bdi 7. Giéi phuong trinh 3 — tanx (tanx + 2 sinx) +6cosx =0
) T
Dap s6: x = :l:g + k7
Bdi 8. 3cosdx —8coslx+2cos’x+3 =0.

2 T T
Pap so: x = — +k—, x=km.
ap so: x 4+ 2,x

(2 — \/§> cosx — 2sin? ()_26 — g) .

Bai 9. Giai phuong trinh
1a1 phuong trin Yeosx—1

S T
bép s0: x = 3 + (2k+1)m.

cos?x (cosx —1)

Bai 10. Gidi phuong trinh

: = 2(1 +sinx).
sSInx + Cosx

. T
Dap so: x = —5+k7t, X =Tm+k2T.

2cos4x

Bai 11. Giai phuong trinh cotx = tanx + —
sin2x

£ T
Dap so: x = :|:§ + k.

Bdi 12. Giai phuong trinh cos?3x. cos 2x — cos?x = 0.
£ T
Dap so: x = kE

o
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4. MOT $O PHUONG PHAP GIAI PT LUONG GIAC

Gv Chuyén Todn 10 - 11 - 12 & LTPH

Bdi 13.

Bdi 14.

Bai 15.

Bai 16.

Bai 17.

Bdi 18.

Hai

N w

w
e
©

ung

~

Gv Ths: Pham H

56/63 ’

. Giai phuong trinh

Bai 20.
) thudc doan [0; g]

Giai phuong trinh 1 + sinx 4 cosx + sin2x+ cos2x = 0.
£ T 2
bap s6: x = ) +km, x = :I:? +k2m,
5 2432

X = .

8

3

Giai phuong trinh cos 3x. cos” x — sin3x. sin

Z T T
Papso:x=+— +k—
ap so: x 16+ >

Giai phuong trinh: (1tanx) (14 sin2x) = 1 + tanx.
oz 4
bap so: x = 2 +km; x =km.

Giai phuong trinh cotx — tanx +4sin2x =

nsin2x‘
Dip s6: x = ig + k.

CcoS2x
1 +tanx .
Pap s6: x = 7 +k7.

1
Giai phuong trinh cotx — 1 = + sin%x — 3 sin2x.

Giai phuong trinh 2cos?x +2+v/3sinxcosx+ 1 = 3(sinx+ V3 COSX).
. 2%
Pap s0: x = 3 + k.

sin2x  cos2x

- = tanx — cotx.
sinx

) T
Pap so: x = ig +k27.

COsXx

y J/ J J

Xdc dinh m dé phuong trinh 2 (sin4x + cos*x) + cos4x + 2sin2x — m = 0(*) ¢6 it nhat mot nghiém

. 10
bap so: -3 <m<-=2.

e
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Toén 10 - 11 - 12 & LTPH

y J J J
Bir5. DE ON TAP CUOI CHUONG
1
BAI TAP TRAC NGHIEM
Cdu 1. Tim tap xac dinh & clia ham s y = — tanx.
@A) 2 = R\{ +knkez} (B) 2 =R\ {kr,k € Z}.
(©) 2 =R\ {k2m k€ Z}. D 2= ]R\{ k2, keZ}

CdAu 2. Tap gid tri cia ham s6 y = cosx 12 tAp hdp nao sau day?

BR. (—o=;0]. ©)[0: 4. O [-1:1).
Cdu 3. Tap gid tri cia ham s6 y = sin2x 1a

W [-22]. 0:2]. ©) =11, ©[0:1]
Cdu 4. Ménh dé nao dudi day diing?

(A)Ham s6 y = sinx 1a ham sb chin. Ham s6 y = cosx 12 ham s6 chan.

(C)Ham s6 y = tanx a ham sb chin. (D) Ham sb y = cotx 1a ham s6 chén.
Cdu 5. Tim ham s6 18 trong c4c ham sb sau:

@y: sin x. Y = XCOS2X. @y:xsinx. @y:cosx.

2cos3x—1 .

CaAu 6. Tap xac dinh ciahamsby="—"—""——1a
cosx+1
(A) 2 =R\ {n+kn:k € Z}. (B) 2 =R\ {k2m;k € Z}.
@@:R\{j—;Jrkn;keZ}. D) 2 =R\ {r+Kk2m:ke Z}.

Cdu 7. Ham sb y = sin2x c6 chu ky 1a
(AT =2x. .T:g. ©r=n D) T =4n.

Cdu 8. Pudng cong trong hinh dudi day 1 do thi ctia mot ham s trong bdn ham sb dugc liét ké & bon
phuong 4n A,B,C,D. Hoéi ham s6 d6 12 ham s6 nao?

@yzl—i—sin. yzl—sinx. @y:sinx. @y:cosx.

CAu 9. Tim gid tri 16n nhét va gia tri nho nhit ctia ham sb y = \/cosx + 2.

@maxy:?své miny = 1. maxy:3vé miny = 2.
@maxy:3vé miny = —2. @maxy:3vé miny = —1.

Cdu 10. Tim gia tri 16n nhét, gid tri nhd nhit ciia haim s6 y = 3sinx+4cosx — 1.
@maxy =4, miny = —6. maxy = 6, miny = —8.
@maxy =6,miny = —4. @ maxy = 8, miny = —6.

Cdu 11. Tap nghiém cta phuong trinh 2cos2x+1=01a
(A)s= { L r2, —§+k2n,kez}. B)s= { r2m, 23 +k27r,kEZ}.
@S:{§+kn,—§+kn,kez}. D)s= { Sk, — 6+kn,keZ}.
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5. DE ON TAP cUOI CHUONG Gv Chuyén Toén 10 - 11 - 12 & LTDH

y J/ J J

Cadu 12. Phuong trinh sin <x - g) =1 ¢6 nghiém la

@x:;—“+kn. ® x=F +iom @x:%+kn. Dx=" 112

6 3
. N . V3 e
Cadu 13. Nghiém cta phuong trinh tanx = Y dudc bi€u dién trén dudng y
tron lugng gidc & hinh bén 1a nhitng di€ém nao? B
(A)Diém F, diém D. D C
Diém C, diém F. /<>
(C)Piém C, diém D, diém E, diém F. A 0 A X
(D) Piém E, diém F. £ P
B/

Cau 14. Goi S 1a tdng cac nghiém thudc khoang (0;27) clia phuong trinh 3cosx — 1 = 0. Tinh S.

(A)S=0. (B) S =4r. (C©)s=3m. (D) S =2x.

~ £ 1
-= Cau 15. SO0 nghiém cta phuong trinh cosx = 3 thudc doan [—27;27] la

O

L As (B 2. (©)3. D) 1.
—3;;10%] la
(A) 12. 11. (©)20. (D)21.

Cau 17. Cho phuong trinh 2sinx —v/3 = 0. Téng c4c nghiém thudc [0; 7] ctia phuong trinh di cho 1a

@z . . in

3 3

Cau 16. S6 nghiém thuc ctia phuong trinh sin2x + 1 = 0 trén doan

Cau 18. Phuong trinh sinx = cosx ¢6 bao nhiéu nghiém thudc doan [—7; 7]?
(A)o. 1. (©)3. D) 2.
Cau 19. Phuong trinh cos?x +cosx — 2 = 0 c6 bao nhiéu nghiém trong doan [0;27].

A4, B 3. ©2. D1

Céu 20. Phuong trinh sinx — v/3cosx = 1 ¢6 tip nghiém 1a

Gv Ths: Pham Hung

@) {—g+k2n;g+k2n}, Vi k € Z. {—g+k2n;—g+k2n}, véi k € Z.
7
© {g+k2n;g+k2n}, véi k € Z. D) {—g+kn;—g+kn}, véi k € Z.

Cdu 21. Tim tit ca cic gia tri cia tham s6 m dé phuong trinh cos?x = m — 1 ¢6 nghiém.

(A)m<2. B 1<m<2. Cm>1. D1<m<2.

CAu 22. Piéu kién ctia tham sb thuc m d€ phuong trinh sinx + (m + 1) cosx = 1/2 v nghiém la

@ =0 (B)m< -2 @—2<m<0. @m>0.

m< =2
Cau 23. S6 cdc gid tri thuc ctia tham sb m dé€ phuong trinh (sinx — 1)(2cos?x — (2m+ 1) cosx+m) = 0 c6
dung 4 nghiém thuc thudc doan [0;27] 1a

(A)1. ®) 2. (©)3. (D) Vo sb.
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

Gv Chuyén Todn 10 - 11 - 12 & LTPH

Cdu 24. Gia sit A, B 1a cac diém 1an lugt nam trén cac dd

y J/ J J

: Yy
thi ham s y = sinx va y = cosx sao cho tam giac OAB nhan I . |
e n \/§ N A , PN , b /,/’ :,\\ \\‘ —
diém G (E’ EY lam trong tAm. Tinh dién tich S cta tam 0, o YT LosX
/ ’,/ \\\ \\\ ,,/ x
gidc OAB, biet x4 € [0;27]. .t 2 ]

V3 V2 V2 V3
@S:—\/_. S:—\/_. @5:_\/_ @S:—\/_.
6 8 6 8
Cdu 25. Cho hai diém A, B thudc dd thi ham sb y = sinx trén y
doan [0; ], cac diém C, D thudc truc Ox thda man ABCD la hinh M
2
chit nhat va CD = ?” Tinh do dai doan BC. 0 n_x
D C
a2 I o ORES y—Sinx
2 2 2
BAI TAP TU LUAN
Bai 1. Gidi phuong trinh
a) 2sinx—1=0 b) 2cos?x—3sinx—3=0
C) sinx—4 cosx = V/2cos 5x d) cos3x+cosx+sin2x =0
Bai 2. Giai phuong trinh
) _ 4 (sin4x + cos4x) —2sin®x—1
a) 4sinxcosx —3 = 3(sinx+ cosx) b =0
1 —cos4x
—HET—

o
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PE ON TAP CUOI CHUONG Gv Chuyén Toén 10 - 11 - 12 & LTBH

y J/ J J

B-DE SO 2

BAI TAP TRAC NGHIEM

Cdu 1. Tim tap gia tri T cia ham s6 y = sin2x.
11
BT= |55 r=[-22) ©T-R DT =[-L1],

CdAu 2. Tim tap x4c dinh Z clia ham sb y = tan2x.

w7-r\{J +knkez} ® 7-R\{] +knkez}.
© 2 =R\{kn,keZ)}. D7-RrR\{;+ %”,kez}.
Céu 3. T“lmtépxécdinh901’1ahémséy=cot<x—§).

@A) 2 = R\{ +i2mke}. ® 2= R\{ +hnk e},
@.@:R\{—§+k2n,kez}. D) 2 = R\{6+knkez}

«0 Cdau4. Chukituan hoan T ctia ham sd y = cosx 1a bao nhiéu?

:; (AT =2x. B T=n ©T =3m. @T:g
c P N L, . o N % sinx
+=3 Cdau 5. Tim tp xac dinh Z ctia ham s0 y = .
T 1 —cosx
= (A 2 =R. ore ]R\{ +hmk e},
_CCJ- (©)2 =R\ {kn,k € Z}. @@_R\{kzn,keZ}.
0. CAu 6. Hinh nao duéi day 1 do thi ctia ham s y = sinx?
% y )
L
= /\/\ £
> 0 x
(D @ 19} X \_/
y y
o
7 0 o o
© )
2sinx — 1

Cau 7. Tim gid tri nhé nhit m ctia ham s6 y = 3

@m:—%. m:—g. @m:—3. @m:—
Cau 8. Tim gid tri 16n nhit M cta ham s6y =2 — | cosx]|.
(AM=1. (B)M=3. (©M=o0. D)M=2.

Cdu 9. Tim gid tri 16n nhit M ctia ham s6 y = sinx — cos x.

(A)M =0. B M=1. C©Mm=2. D) M =2
Cau 10. Héix = % la nghiém ctia phuong trinh nao sau day?

@sinx: L. (B) cosx=1. @sinx.cosx: % @ sin2x = 0.
Cau 11. Tim tdp nghiém S cla phuong trinh sin2x = —?.
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J J J
A)S = {——+kn 23 +k7r,k€Z}. { g +hom, 2T +k27r keZ}
©)s= { i, 56 +k27r,kEZ}. {12 k27r +k27t kez}
Cau 12. Tim tp nghiém S cta phuong trinh sinx. cos (x — —) 0.
(A)S = {km,k € Z). :{Tﬂ kn keZ}
©)s= {——+k7rk€Z} :{n—+knkeZ}

Céu 13. Tim tip nghiém S clia phuong trinh cos 2x = v/2.

(A)S=R.
1 1
@ S= {—Earccosﬂ—i-kn;iarccos\/§+k7t,k6Z}.
©s=w.
@S {——+k27r4-|—k27r}.

CdAu 14. Tim tit ca cac gia tri ciia sb thuc a d€ phuong trinh cosx = a® ¢6 nghiém.
(A)a€eR. (B)aeR \{0}. (Caco;1]. D)ac|-

Cdu 15. Phuong trinh tan2x = 1 ¢6 ho nghiém la

k

@x_” T kez. x:§+kn,kez.

(©)x :Z+k27r,k€Z. @x:§+k2x,keZ.
Cau 16. Ho nghiém ctia phuong trinh cotx++/3 =0 1a

@x:—ngkn,keZ. x:—%Jrkﬂ,kEZ.

©x:§+k2n,kez. @x:g—i-kn,kez.
Cau 17. Phuong trinh tan (2x+ 12°) = 0 ¢6 ho nghiém la

(A)x=—6°+k180°, k€ Z. (B) x = —6°+k360°, k € Z.

(C)x=—12°+k90°, k€ Z. (D) x = —6°+k90°, k € Z.
Cdu 18. Cho phuong trinh asinx + cosx = b. Tim tit ci cdc gia tri thuc clia a, b d€ phuong trinh c6
nghiém.

(A —a?<1. B - <1. O +da<1. D) +a2> 1.

Céu 19. Tim tip nghiém cta phuong trinh sinx + v/3 cosx = —2.

B)S=0. B)s= {——+k2n\kez}
©)s= { +hn|kez}. D)s= {——+kn\kez}

Cau 20. Tim s6 nghiém thudc khoéng (—7; ) clia phuong trinh sinx + sin2x =
(A)3. ®) 1. (©2. @ 4.

Cau 21. Giai phuong trinh 2sin?x+ 5sinx+3 = 0.

@x:—g+kn,kez. x:—g+k37r,k€Z.
T T krm
@x:—§+k27r,keZ. @x:—5+7,kez.

Cdu 22. Giai phuong trinh cos2x — 5sinx —3 = 0.

7 7
@x:_g+kn,x=£+kn,kez. x=—%+k3n,ng+k37f,k€z
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5. DE ON TAP cUOI CHUONG Gv Chuyén Toén 10 - 11 - 12 & LTDH

y J/ J J
©)x= —%+k47r,x: %’r+k4n,k ez D) x= —g+k27r,x: %”Jrkzn,k cZ.
Cadu 23. Giai phuong trinh tanx+2cotx — 3 = 0.
@x=i§+k2n,kez. x::tg—l-kn,kez.
@x = %+k7r,x =arctan2 + kx, k € Z. @x = i% +km,x = t+arctan2 + k1, k € Z.

CdAu 24. Tim tht ca céc gia tri thuc clia tham sb m d€ phuong trinh mcos x + sinx = 1 — m c6 nghiém.
@mSO. m<0. @mZO. @m<1.

Cdu 25. C6 bao nhiéu gi4 tri nguyén ctia tham sb m dé phuong trinh cos 2x — cosx +m = 0 c6 nghiém?

A4, B 3. (©)2. D1.

BAI TAP TU LUAN

Bdi 1. Gidi cic phuong trinh sau:

a) 2cos (x—%) =0; b) sin3x —cos3x = —1;
/9 . .
O c) V/3tan (§ —x) =1; d) sinx—+cosx—sinxcosx = 1.
I ~ . 4
r3) Bai 2. Tinh tong cdc nghiém x € [0;100] ctia phuong trinh
cos®x —cos?x+ 1 )
3 = cos2x +tan” x.
COS* X
—HET—

Gv Ths: Pham Hun
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC Gv Chuyén Todn 10 - 11 - 12 & LTBH

y J J J
Bi16. DAP AN TRAC NGHIEM CAC CHU DE

DAP AN TRAC NGHIEM BAI 1

1. A ||2. B ||3. D (4. A ||5. D |6. D ||7. C ||8& B [|9. B |/10. C
11. D ||12. B ||13. C |[14. A ||15. D ||16. A ||17. B |[18. A |/19. A [|20. B
21. A [|22. A ||23. D ||24. C ||25. A ||26. A ||27. C ||28. C [|29. A ||30. D
DAP AN TRAC NGHIEM BAI 2
1. C ||2. A ||]3. B ||l4. C ||5. D|6. D ||7. B ||8& A [|9. A ||[10. D
11. D ||12. B ||13. C ||14. C ||15. B |[16. B ||17. C ||18. C ||19. D |[20. D
21. A ||22. A ||23. D ||24. C ||25. A ||26. B ||27. A ||28. B
DAP AN TRAC NGHIEM BAI 3
1. B ||2. B ||3. A ||4. D ||5. B ||l6. C |[|7. C ||8& C ||9. B |[10. B
11. A ||12. D ||13. D ||14. D ||15. B ||16. D ||17. D ||18. D |[[{19. C ||20. C
21. A [|22. A ||23. A ||24. B ||25. C |[|26. C |[|27. A ||28. A [|29. C ||30. B

DAP AN TRAC NGHIEM DE 5O 1

1. A 2. D (3. C (|4 B ||5. B |l6. D ||7. C ||[8& D ||9. B ||10. A

11. C |[12. B |[13. A |[14. D |[15. A |[16. A |[17. A |[18. D |[19. C |[20. C
21. D |[22. C |[23. B |[24. B |[25. B

DAP AN TRAC NGHIEM DE 56 2
. DJ2 D3 B4 All5 DJ6. DJ7. D] D9 D ][0 C
11. A ||12. D ||13. C ||14. D ||15. A ||16. B ||17. D ||18. A ||19. B |[20. A
21. C |[22. D |[23. C |[24. C |[25. A

Noi Pau Cé Y Chi & P6 C6 Con Dudng

o

B Th.S Pham Hung Hai — @ 0905.958.921 ﬂ
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