Pai s6 va giai tich 11 (CB)

Chuong 1. HAM SO LUQNG GIAC. PHUONG TRINH LUQNG GIAC
§1. HAM SO LUQNG GIAC

* Pinh nghia ham so lwgng giac:
e Ham sé sin: Quy tac tuong ung voi moi soO thuc x vai mot so thyce sinx
sin: R—>R
X y=sinx
duoc goi la ham so sin, ki hi¢ula y =sinx.
e Ham sé césin: Quy tic twong tmg v6i mdi so thue x véi mot s6 thuc cos x
cos:R—->R
X > y=cosx
duoc goi 1a ham so cosin, ki hiu la y = cos x.

< £ L1y J ;g ar A , sin x F 1A 1a
e Ham so0 tang: 1a ham s6 duoc xac dinh bdi cong thic y = (cosx # O), ki hi¢ula y = tan x.
cosx
N\ X A N A ST 2t A , COSX , . F1tAL TN
o Ham s6 cétang: 12 ham s6 dugc xac dinh boi cong thirc y = ——(sinx #0), ki hiéula y = cotx.
sin x

1. Tap x4c dinh ciia ham sb lwong gidc
1.1. Ly thuyet
a. Dinh nghia: Tdp xdc dinh ciia ham s6 y = f(x) la tdp tdt ca cdc gid tri x dé biéu thirc f(x) c6 nghia.

b. Ham sé sin

e y=sinx: Tapxacdinh D=R.

o y=sin(f(x)) xéc dinh khi va chi khi f(x) xéc dinh.
c. Ham so cosin

e y=cosx: Tapxac dinh D=R.

e y=cos(f(x)) xac dinh khi va chi khi f(x) xéc dinh.
d. Ham so tang

e y=tanx: Tap xac dinh D:R\{%+kﬂ}, (keZ).

e y=tan(/f(x)) xdcdinh < (f(x) xacdinhva f(x)= %+k7z(k e7)).
e. Ham sé cétang

e y=cotx:Tapxdcdinh D= R\{kﬂ'}, (k IS Z).

e y=cot(f(x)) xécdinh < (f(x) xacdinhva f(x)#kz(keZ)).

f- Chu y: Tap xac dinh cua mot so ham so co ban

y= f(x) co nghia khi va chi khi g(x) = 0.

g(x)
o y=.f(x) c6nghiakhiva chikhi f(x)>0.
y=M c6 nghia khi va chi khi g(x)> 0.

Je(x)

1.2. Bai tap
Bai 1. Tim tap xac dinh cta cac ham so6 sau:

a) y=5sinx—~/2cosx b) y:%sin(2x—l)—cos(x2—2) ¢) y=siny/2x—4
/ (2
d) y=cos e) y=sin ! +cosV9 —x? f)y:sm(—xj
1—x?2 x-2 x-1
g) yz% h) y=+/3-2sinx i) y=+1-cos’x
—CoS X
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sin x sinx—2 cos(2x—1
k) y=——— ) y=— m))’:—.( )
cos(x—r) sin2x sinx+1

Bai 2. Tim tap xéc dinh cta cac ham so sau:

2 = cos Jx—2-x by yo L 9 = V2 +sinx
Y |x|-1 Jsinx+1 1—cosx

1 f
d)y: - e) y:\/SinX f)y: COSX—l
J1—2sinx.cosx 2

Bai 3. Tim tap xéac dinh cua ham so:

a) y =cotux. b) y=tan(x+§j. ¢) y:cot(x——j
1 1
d) y= . e) y=tanx+cotx. f) y=
cotx tanx—1

/1+ t2

g) y =tan3x.cotSx. h) y= ﬂ. i) y=+/tanx.
I—cos2x

Dap an:

1a.D=R, 1b.D=R, 1e.D =[2+»), 1d.D =(-L1), 1le.D =[-3;3]\{2}, 1. D=R\{1}, 1g. D=R,

1h.D=R, 1i. D=R, 1k.D=R\{%+k7z}(keZ), 11.D=]R\{k%}(keZ), 1m
D=R\{—%+k27r}(keZ).

2a.D =[0;2]\{1}, 2b.D:R\{—%+k27z}(keZ), 2¢.D =R\{k27}(keZ), 2d.

D= R\{4+k7r}(keZ), 2e.D =[k2m; 7 +k2rx](k € Z), 2f.D={—%+k27r;%+k27r}(keZ).
3a.D =R\ [k} (k € Z), 3b.D = R\{6+kﬂ}(keZ) 3e.D- R\{6+kﬂ}(keZ), 3d.
DzR\{k%}(keZ),3e.D:R\{k%}(keZ) 3#.D= R\{2+k7r Z+m;r}(k,mez), 3g.

D:]R\{6 +k§ m 5}(1{ mel), 3h.D=R\{kz}(k,meZ), 3i.D=|:k7Z’;%+k7Z’j(k eZ).

2. Chu ky cua ham ) lwgng giac

2.1. Ly thuyet

a. Dinh nghia: - Ham 56 y= f(x) co tap xac dinh D dwoc goi la ham $6 tuan hoan néu ton tai it nhat

mot s6 thue T # 0 sao cho véi moi x€ D, ta co:
i) xxT €D,

ii) f(xiT)zf(x).
- 86 thuc T thod man cac diéu kién trén duwoc goi la chu ky cua ham s6 tuan hoan
y= f(x)
- Néu ham s6 tudn hoan y = f(x) c6 chu ky nho nhdt Ty (T > 0) thi Ty duoc goi la chu
ky co 56 ciia ham s6 tudn hoan y = f (x).
b. Ham sé sin
e y=sinx:Chuky 7, =2r.
2_7z
o
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c. Ham sé cosin
e y=cosx:Chuky 1) =2r.

e y=cos(ax+b) cochuky T, :|2—7|T.
a
d. Ham sé tang
e y=tanx:Chuky 7, =r.
o y=tan(ax+b) cochuky Tozﬁ.
a
e. Ham sé cétang
o y=cotx:Chuky 7, =r.
o y=cot(ax+b) cochuky T, =ﬁ.
a

f. Chii y: Néu ham s6 y = f;(x) co chuky 7; vahamsd y = f;(x) c6 chuky 7, thi ham sb
y=m.fi(x)xn.fy(x) c6 chuky T la bdi chung nho nhit cia T va T.

2.2. Bai tap ,
Bai 1. Tim chu ky cua cac ham so sau:

a) y=sinx b) y=cos2x c) y:tang
d) y=cot(3x-2) e) y:cosz?x+1 f) yzl—cos(3x—%)
g) y:2tan(—4x—§j h) y=sin2x i) y=+/1+cos2x
Bai 2. Tim chu ky cua cac ham sb sau:
a) y=tanx+cotx b) y:sin2x+cos% ¢) y=tanx—2cot3x+4
X X . 3x . 2x
d) y:cotx+cot5+cot§ e) y=2sinx.cos3x f) y:cos?—sm7

3. Tap gia tri caa ham s6 lwong giac
3.1. Ly thuyet
a. Dinh nghia: Cho ham s6 y = f (x) c6 tdp xdc dinh D. Tap T =R duoc goi la tdp gid tri néu T thod
man hai diéu kién:
i) Véimoi x €D kéo theo y= f(x)eT,
ii) Véiméi yeT, ton tai xe D sao cho y = f(x).
b. Ham sé sin
o y=sinx:Tapgiatri T =[-11].
c. Ham so cosin
o y=cosx:Tépgiati I =[-11].
d. Ham sé tang
o y=tanx:Tapgiatri T=R.
e. Ham s6 cotang
e y=cotx:Tapgiatr I'=R.
f. Chii y: Néu ham s6 y = f(x) 6 tdp gid tri T =[a;b] thi gid tri l6m nhdt ciia ham s6 la b (max y =b)
va gid tri nho nhat ciia ham s6 la a (miny =a).
3.2. Bai tp ,
Bai 1. Tim tap gié tri ctia ham so:
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a) y:sin(x3+3x—4).

T
b) y= cot(x—gj

d) y=cos(2x+%) e) y=4sinx+5

g)y:sin2x+3 h)y=—3cos3(2x+3)+7
Bai 2. Tim tap gié tri ctia ham so:

a)y:& b)y:wlsinx

cos(x—r)
d) y=+2-cosx e)y:\/I—coszx

1 1
= /——sinx h) y=
gy 2 )y tanx —1

Bai 3. Tim gia tri 16n nhat va gia tri nho nhat cia ham so:

b) y= cos(2x+%J

a) y:sin(x3+3x—4)

d) y=4-3cos2x e) y=sin’x+3

g) y=2sinxcosx+3 h) y =+/sinx

k) y=\/l—coszx ) y:‘/cosx—%

Bai 4. Tim gia tri I6n nhat va gia tri nhé nhat cua ham so:

a) y:4sin2x—4sinx+3 b) y:c0s2x+2sinx+2

. I .
d) y=sinx+cosx e) y=551nx+73cosx+3

4. Tinh chin, I¢ ciia ham sb lwgng giac
4.1. Ly thuyet
a. Dinh nghia: Cho ham s6 y = f (x) cd tap xdc dinh D.
(1). Ham s6 y = f (x) duwoc goi la ham s6 chan néu:
i) Vxe D=-xeD (D la tdp doi xirng),
i) f(-x)=f(x),VxeD.
(2). Ham s6 y = f (x) dwoc goi la ham s6 1é néu:
i) VxeD=>—-xeD (D la tip doi xirng),
i) f(-x)=—f(x),VxeD.
b. Ham sé sin
e y=sinx: Tap xac dinh D=R va la ham so I¢.
c. Ham sé cosin
e y=cosx:Tap xac dinh D=R va la ham sb chan.
d. Ham sé tang

e y=tanx: Tap xéac dinh D=R\{%+k7z},(keZ) va la ham sé 1é.

e. Ham sé cétang
e y=cotx: Tap xacdinh D=R\{kz},(keZ) valaham sé 1é.

V/d
) y= tan(x+§j

f) y=4-3cos2x

i) y=2sinxcosx+3

¢) y=+/tanx

/ 1
=,/COSX ——
f)y 5

) 1

i) y=—/—7—
)Y \sinx+1
¢) y=4sinx+5

f) y=—3c0s3(2x+3)+7

i) y=+/2—-cosx
m) y= l—sinx
y \/2 .

) y:sin4x—2c0s2x+l

f) y:\/gsin2x—cos2x

f- Chu y: (1) Do thi ciia ham s6 chan doi xirng qua truc tung, do thi ciia ham sé 1é doi xieng qua tam O.

(2). Néu D khong la tép déi ximg (Tirc la IxeD ma —x¢D), thi ta két lugn ham sé

v = f(x) khong chan, khong lé.
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(3). Néu ton tai xeD ma f(-x)=# f(x) va f(-x)#—f(x) thi ham s6 y = f(x) khong
chan, khéng Ié.
(4). Ham s6 chan (1) + Ham s6 chdn (16) = Ham s6 chan (1é).
(5)-
(6). Ham $6 chan * Ham s6 1é = Ham sé chan * Ham sé 1é = Ham s6 [é.
7).

4.2. Bai tap
Bai 1. Xét tinh chan — 1€ cuia cac ham so sau:

Ham s6 chan * Ham sé6 chan = Ham so 1é * Ham so 1é = Ham so chan.

Ham so chan £ Ham so lé = Ham so le + Ham so chan = Ham so khong chan, khong le.

a) y =sin2x b) y=2cosx+3 €) y=sinx+cosx
d) y=tanx+cotx e) y=sin*x f) y =sinx.cosx
3
g) y:L;‘” h) y = tan|x| i) y = xsin2x
sin” x
k) y:smx 1) y:cot\/; m) y:sin(x2—3)
x+1

5. Tap don di¢u ciia ham sb lwgng giac
5.1. Ly thuyet
a. Dinh nghia: Cho ham s6 y = f (x) xdc dinh trén khoang D va (a;b)c D .
(1). Ham $0 y= 1 (x) duoc goi la dong bién trén khodng (a;b) néu Vxy, x, € (a;b) va
X <Xy, taco f(x)<f(xy).
(2). Ham s6 y = f(x) dwoc goi la nghich bién trén khoang (a;b) néu Vx,, x, € (a;b) va
x| <Xy, tacé f(x)> f(x).

b. Ham so sin

e y=sinx: Dong bién trén mdi khoang L k27z;£+ k27 | va nghich bién trén mdi khoang
2 2

(£+k2ﬂ';3—ﬂ.+ k27rj, ke
2 2
c. Ham soé césin
e y=cosx:Ddng bién trén mdi khoang (—7: +k2r; k27z) va nghich bién trén mdi khoang
(kK2m;m+k2r), k e Z.
d. Ham sé tang

e y=tanx: Dong bién trén mdi khoang (—%+ kﬂ';%+ kﬂ'j , ke
e. Ham so6 cotang

e y=cotx: Nghich bién trén mdi khoang (kz;7z +kx), k € Z.
f. Chu y:
f(x)-f(x)

e y=f(x) dongbién trén (a;b) khi va chi khi >0,Vx e(a;b).
X=X
e y=f(x) nghich bién trén (a;b) khi va chi khi flx)=/ () <0,Vxe(a;b).
X —X2

5.2. Bai tap
Bai 1. Xét tinh don diéu (dng bién, nghich bién) cua cac ham sb luong giac trén khoang K cho trude:

a) y=sin2x, K =(0;7) b) y=2cosx+3, K =(0;27)
T 7 1 V4

¢) y=5—-tanx, K=| ——;— d) y=—cot3x, K =| 0;—

)y -2:2) ) y=1 (02]
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e) y =sin’ x—cos> x, K=(0;7) f) y=sinx.cosx—3, K =(0;7)
g) y:sinx—l’ K:(—%;%j h) y =+/3 cos x +sin x, K =(0;27)

Dap an: la.xe(O;%J: bB, xe(Z;Tj: NB, xe(%[ ﬂj DB; 1b.x €(0;7): NB, x e(7;27): DB;

lc.xe —Z— :NB; 1d.x e 0 :NB; le.x e O;E :PB, xe Z;7z :NB; 1f. x e 0;z : BB,
272 3 2 2 4
velZ3Z) N, e x| pBi1gxe| - Z:E | NB: 1h.x e[ 0:Z |: BB, xe| Z:2E - N,
474 4 272 6 6 6
xe(%{ﬂﬂj: bB.

6. DO thi cia ham s6 lwrong gidc
6.1. Ly thuyet . )
a. Dinh nghia: Cac buoc vé do thi ham so lwong gidc:
e Tim tap x4c dinh D cua ham sb.
e Tim tap gia tri
e Tim chuky 7 ctia ham sd.
e Xac dinh tinh chén, 1é cia ham sd.
e Lap bang bién thién cia ham sb trén mot doan c6 do dai bang chu ky 7; (thuong chon [0;7;]
hoac {—E;E} ).
22
e V&do thi trén doan ¢ d6 dai béng chu ky da xac dinh ¢ trén.
e Suy ra phin db thi con lai qua phép tinh tién theo vécto v = k.TO.f vé bén trai va bén phai song
song véi truc hoanh Ox (v6i i 1a vécto don vi trén truc Ox ).
b. Ham sé y =sinx
e Tapxacdinh D=R.
e Tap gid tri [—1;1].
e Chuky T'=2nr.
e Bang bién thién trén doan [0;27]:

e Tinh tién theo vécto v=_2kz.i ta dugc d6 thi ham sd y =sin x.
e Nhaén xét: - P thi 1 mot ham sb 1é nén nhan géc toa d0 O lam tam ddi xung.

- Ham s6 dong bién trén khoang (0; %) , (%;27[} va nghich bién trén [E 377[)

e Do thi:
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3
\
W
N‘a
\
\
NN
MBS
d
W
N‘ﬁ
d

c. Ham sé y=cosx
e Tapxacdinh D=R.
o Tiap giatri [-1;1].
e Chuky T'=2r.
e Bang bién thién trén doan [0;27]:

e Tinh tién theo vécto v=2kri ta duoc d6 thi ham s6 y = cos x.

e Nhan xét: - PO thi 1a mot ham s chin nén nhén truc tung Oy lam truc dbi xung.
- Ham s6 nghich bién trén khoang (0;7) va dong bién trén (7;27).

e Do thi:

-

Y

v

_ 3= -7 1 o 7T TT T
2 2 2 2

d. Ham sé y = tan x
e Tap xac dinh D=R\{§+k7z}, (keZ).

o Tapgiatri R
o Chuky T=n.

e Bang bién thién trén khoang (—%,%j :

e Tinh tién theo vécto v=kri ta dugc d6 thi ham sd y = tanx.
e Nhaén xét: - B thi 1 mot ham s6 1é nén nhan géc toa d0 O lam tam ddi xung.
- Ham s6 dong bién trén tirng khoang xac dinh.
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e Do thi:

R 23

\)
NN

e. Ham sé y=cotx
e Tipxacdinh D=R\{kz},(keZ).
o Tapgiatri R
o Chuky T=n.
e Bang bién thién trén khodng (0;7):

e Tinh tién theo vécto v=kri ta dugc dd thi ham sd y =cotx.

e Nhan xét: - PO thi la mot ham sb 16 nén nhan géc toa d6 O lam tam d6i xung.
- Ham s6 nghich bién trén timg khoang xac dinh.

e Do thi:

-

y

L 4o

oIy
(SR

f. Chii y: M4t s6 phép bién déi do thi:
e Tu do thi ham s6 y=f(x), suy ra d6 thi ham s6 y=f(x)+b bing céc tinh tién do thi
y = f(x) 1én trén truc hoanh b don vi néu b >0 va tinh tién xudng phia dudi truc hoanh b don

vinéu b<0.
e Tu do thi ham s6 y = f(x), suy ra dd thi ham s0 y=f(x+a) bing céc tinh tién do thi

y = f(x) qua bén tréi cua truc hoanh @ don vi néu a>0 va tinh tién qua bén phai truc hoanh a

don vinéu a <0.
e Tu dd thi ham s6 y = f(x), suy ra do thi y =—f(x) béng cach lay déi xtmg do thi y = 1 (x)
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qua truc hoanh.

f(x), khi f(x)ZO
—f(x), khi f(x)<0
nguyén phan do thi y = f(x) & phia trén truc hoanh va lay déi xtmg phan d6 thi y = £ (x) nim ¢

e D) thi ham sb y :‘f(x)‘ :{ dugc suy tir d6 thi y = f(x) bang cach gir

phid dudi truc hoanh qua truc hoanh.
6.2. Bai tap ’ ‘ ’
Bai 1. Khao sat sy bién thién va vé do thi ham so:
a) y=-sinx b) y=cos2x ¢) y=tanx+1
d) y=cot£x—%j e) y =2|sin x| f) y =tan|x|
7. Bai tip tric nghiém )
7.1. Tap xac dinh ciia ham so lugng giac
Cau 1. Tap xac dinh ctia ham s6 y= cos\/; la:
A. D =(0;+). B. D =[0;+»). C. D=R. D. D=R\{0}.

Céu 2. Tim tap xac dinh ctiia ham s y = cot x +sin x.

A. D= R\{2+kﬂ} (keZ). B. D=R\{kx},(keZ).

C. D:R\{%+k2n},(kez). D. D=R\{k2z}, (keZ).
Cau 3. Tap xac dinh ctia ham ) y=—2tanx la:

A. D=R\{%+kﬁ},(keZ). B. D—R\[kr}, (k<Z)

. D=R\{%+k2ﬁ},(kez). D. D=R\{k27}, (k< Z).
Cau 4. Tim tép x4c dinh ciia ham s6 y =2018cot?*!7 2x.

A. D=R\{kz}, (keZ). B.D=R\{k%},(kez).

C. D= R\{2+k7z} (keZ). D. D= R\{ +k%},(keZ).

) . ) 2
Cau 5. Tim tap xac dinh cia ham s6 y = s1n[x X 3] la:

i

A. D=R. B. D =(0;+). C. D=(I;+w). D. D =[l;+x).

Cau 6. Tap xac dinh ctia ham s6 y =CoS x?-1 la:
A. D=R\(-L1). B. D=[-Ll]. C. D=[L;+=). D. D=R\{-L1}.

. . 1
Cau 7. Tap xac dinh ciia ham s6 y =sin —2cos(1—x2) la:
Nx+2

A. D =[-2;+w). B. D =(-2;+x). C. D=[-L1]. D. D=R\{-2}.
Céu 8. Tap xac dinh ctia ham s6 y = ! la:
2—cosx
A. D=R\{kx}, (keZ). B. D=RR.
C.D=R\{%+kﬁ},(keZ). D. D=R\{2}.

Cau 9. bé tim tap x4c dinh cila ham s6 y = tan x + cot x, mot hoc sinh gidi theo cac budc sau:
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A . . sinx # 0
Budc 1. Diéu kién d€ ham so6 ¢6 nghia la .
cosx#0
x2Zvkr
Budc 2. & 2 (k,meZ).
X#mx

Budc 3. < x # n%(n ez).

Véy tap xéc dinh ctia ham s6 da cho 1a D = R\{n%},(n eZ).

Cau giai cia ban d6 di dung chua? Va néu sai, thi sai bat dau tir budc nao?
A. Cau giai dung. B. Sai tur budce 1. C. Sai tu buoc 2. D. Sai tir budc 3.
tan x

Céu 10. Tap xac dinh ciia ham s6 y = — la:
sinx—1
A. D=R\{%+k2ﬂ},(keZ). B. D:R\{%Hm}, (keZ).
T V3
C. D=R\{—5+k2ﬂ}, (keZ). D. D=R\{k5},(keZ).

Céu 11. Tap xac dinh cia ham s6 y = tan? (%_%j la:

A. D=R\{—3§+k27z}, (keZ). B. D=R\{37”+k7r},(keZ).
C. DzR\{%H{Zﬁ},(kGZ). D. D=R\{—%+k2z}, (keZ).
Cau 12. Tap xac dinh ctia ham s6 y =3tanx— 2cotx+- Ia:
X
A. D=R\{0}. B.D:R\{%+k7r},(keZ).
C. D=R\{kr}, (keZ). D.DzR\{k%},(keZ).
Ciu 13. Tap xéc dinh cia ham s6 = cos| —L=— | 1a
u . X 1 U = —— .
e P -2
A. D =(-1;+x)\{3}. B. D=R\{3}.
C. D =[-1;+0)\{3}. D. D = (1;+).
Céu 14. Tap xéc dinh ctia ham s6 y = tan(2x 1) la:
A. D=R\{§+k—”}, (keZ). B. D=R\{l+ﬁ+k—”}, (kez).
4 2 2 4 2
C. D:R\{l+£+kﬁ}, (ke). D. D=R\{3—”+k—”}, (keZ).
2 4 4 2

Céu 15. Ham s6 nao sau ddy c6 tap xac dinh R ?

A. y=2cos+/x. B. y:sinl. C.y= Sin2x D. y= /_szx_3'
X cosx+1 cosx—2
. . . , 3
Cau 16. Tim cic gia tri ciia x € (—7;7) déhams6 y = /Cosx—g ¢6 nghia.
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A. 0<x<r.

B Y3
2

s T T
<x<7. C.ngSﬂ. D. —gﬁxﬁ—.

Cau 17. Tim tat ca cac gia tri m déham sd y =+/2m+1-2cosx xéac dinh trén R .

A. m>0. B. m>1. C.mz—%. D.mZ%.

A Ay 2 1 s A1 £ m—1 . , . ~ \
Cau 18. Tatca cac giatri m dé ham so y = \/—— 2sin4x xac dinh trén R la:
m

A. m<—1. B. -1<m<0. C. -1<m<0. D. m<—1 hoac m > 0.

, L PO sin 2x L. n
Cau 19. Tim tat ca cac gia tri m dé ham s0 y = ————— xac dinh trén R.
\2m—3cosx

A.m>§. B.mzé. C.m<§. D.mSE.
2 2 2 2
Céu 20. Tim tip xac dinh D ctia ham sd y = tan (%cos xj.
V4 V4

A.D=R\{E+kﬂ},(keZ). B.D=R\{E+k27z},(keZ).

C. D=R\{kz},(keZ). D. D=R\{k2z}, (keZ).
7.2. Tinh tuin hoan cia ham s6 lwong giac o
Cau 1. Trong cac ham s6 sau day, ham so nao la ham so6 tuan hoan?

A. y=cos2x. B. y=xcosx. C.y=cosx2. D. y=x+cosx.
Céu 2. Chu ky ciia ham s6 y =sin(2x-1) la:

A.T:%. B.T=r. C.T=2r. D. T =4r.

A N \ X X T .

Cau 3. Chu ky cuiahamsé y = COt(_E+§j_3 la:

A. T=-2rx. B.T:%. C.T=m. D. T'=2r.
Cau 4. Chu ky coa ham s6 y =sin® x 1a:

A. T=m. B. T =2r. C.T=4r. D. T=7".
Céu 5. Chu ky ciia ham s6 y =sinx.cosx+3 la:

A.T=r. B. T =2r. C.T=A4r. D. T =4r".
Cau 6. Chu ky cia ham s6 y =sinx+cosx la:

A. T=2r. B. T =4r. C.T=m. D. T =3x.
Cau 7. Ham s§ y =tan2x+ cot% 1a ham tudn hoan véi chu ky:

A.T:%. B.T=r. C.T:%T. D. T=2x.
Céu 8. Haim s6 y =2cos3x +sin2x tuan hoan véi chu ky:

A T=m. B.T:ZT”. C.T=2r. D. T =37.
Céau 9. Ham sé y = cosx.cos3x 1a ham sb tudn hoan véi chu ky:

2
A. T=2r. B.T:%”. c.r:%. D.T=r

Cau 10. Ham s6 y = cos(2x+1)——sm(i—3j véi meN’ 1a ham sb tudn hoan véi chu ky 6. Gia tri
m

cua m la:
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A.m:% B. m=3. C. m=5. D. m=6.

A . A A e e . A 213 J X 2x &« \
Cau 11. Goi S la tap tat ca cac gia tri cua tham s60 m d€ ham so y:tan5+cos(—+zj (meN*) la
m

ham tudn hoan véi chu ky 677. Tong cac phan tir cia S bang

A. 3. B. 6. C.9. D. Khong tinh duogc.
. ‘ e ; : . 1. (2 *
Cau 12. Goi S la tap tat ca cac gia tri cua tham s0 m d€ ham so y = cotg—gsm (—x—gj (meN) Ia
m

ham tudn hoan véi chu ky 677. Tong cac phan tir cia S bang

A. 2. B. 6. C.8. D. 12.
7.3. Tép gia tri ciia ham s6 lrgng gidc
Cau 1. Tim tap gia tri 7 cta ham sé y =sin2x.

A. T=[-2;2]. B. T =[-1L1]. C.T=R. D. T=(-L1).
Cau 2. Him s& y =4cos?2x+3 ¢o tap gia tri 1a:

A. T =[3;7]. B. T={7}. C. T =[0;3]. D. T =[-1;7]
Cau 3. Tim tap gid tri 7 ctia ham s§ y =/5sin” x +4.

A. T =[49]. B. T =[2;3]. C.T={3}. D. =R
Céu 4. Tim tdp gid tri 7 cua ham s6 y =1+ 2]sin2x]|.

A. T=[-13]. B. T =[-3;5]. C. T =[13]. D. T =[L5].
Céu 5. Ham sb nao sau ddy co tip xac dinh va tap gia tri déu la R?

A. y:sin\/;‘ B. y =tan2x. C. y:x.cosi. D. y=x+sinx.

CAu 6. Xét bdn ménh dé sau:
(1): Trén R, ham s6 y =sinx c6 tap gid tri 1a [-1;1].

(2): Trén [O;%}, ham s y =sinx c6 tap gia tri 1a [0;1].

(3): Trén [0;3771. ham s y =sinx co tap gid tri la {O;g}.

(4): Trén [0;77), ham s6 y =sinx c6 tap gia tri 1a [0;1].

S6 ménh dé dung 1a:

A. 1. B. 2. C.3. D. 4.
Céu 7. Tim tit ca cic gia tri bién x dé ham sé y = 2+/cosx +1 dat gia nho nhét.

A. x:%+k7z(keZ). B. x=k2x(keZ).

C. x=%+k27r(keZ). D. x=z+k2rn(keZ).
Cau 8. Gi4 tri 16n nhat ciia ham s6 y =3—+/2cosx—+/3 la:

A. maxy=5+x/§. B. maxy=3+\/§. C. max y =3. D. maxy=1+\/§.
Céu 9. Gia tri nho nhit cuia ham s6 y = 3sin(§x+%j bang bao nhiéu?

A. 3. B. 2. C. -1. D. 0.
Cau 10. Gia tri nho nhat m va gia tri lon nhat M cua ham s y=sinx—cosx la:

A.m:—\/z;M:x/E. B.m:\/z;M:—\/E.

C.m=-2; M =2. D. m=0; M =2.
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Cau 11. Gia tri nho nhat cua ham s y= 2sin® x +3 trén doan [—%,%} la:

A. 5. B. 3. C. Z D. 2
2 2
Cau 12. Gia tri nho nhat ctia ham s6 y = 2
cosx+1
A. miny=0. B. miny=1. C. miny=2. D. Khong xéc dinh.
Céu 13. Gi4 tri nh6 nhit ciia ham s6 y = #2 la:
I+tan” x
A. miny=0. B. miny=1. C. miny=2. D. Khong xéc dinh.
Céu 14. Tap gia tri cia ham s6 y =sinx+cosx la:
A.T=[-V2:42]  B.T=[-22]. C.T=R D. 7 =[-L1].
Céu 15. Tap gia tri cia ham s6 y = tanx + cotx la:
A. T=R B. T =[-2;2]. C. T =R\{0}. D. T =R\(-2;2).
Cau 16. Gi4 tri 16n nhat ciia ham s§ y =sin? x+ 2cosx+2 la:
A. 0. B. 4. C.\5+2. D.5.
Ciu 17. Ham sé y =|cos (x+%j dat gié tri 16n nhét trén doan [0;377[} khi nao?
A. x=0. B. x=1. C.x==. D.x:3—7[.
4 4
A e Lae A . . T
Ciu 18. Xétham sO y =|sin x| trén doan {—E,E} :
A. Khong ¢c6 GTLN. B. GTNN la —1. C.GTLN la 1. D. GTNN Ia 1.

Céu 19. Goi M, m lan luot 1a gia tri 16n nhét va gia trj nhd nhat ciia ham s6 y =[3sinx +4cosx|. Gi trj

cua M +m la:
A. 0. B. 1. ’ C.5. ’ D. 7.
Cau 20. Goi M, m lan luot 1a gia tri I6n nhat va gié tri nho nhat cia ham s6 y =2cosx +3 trén doan

{o;ﬂ . Gi tri caa M.m 1a:

A. 5. B. -3. C. 5(ﬁ+3). D. 20.

Cau 21. Tap gi4 tri ciia ham s& y =+/4cosx—3sinx+4 la:
A. [0;3]. B. [-13]. C. [o:V1T]. D. [-3:11].

Cau 22. Goi T 1a tap gia tri cia ham s& y =3 —4sin® x.cos x. SO phan tir nguyén cua T 1a:

A. 1. B. 2. C.3. D. 4.
Cau 23. Tim gi4 tri nho nhat ctia ham s6 y = tan? x—2tan x+3.
A. miny =2, B. min y =3. C. miny=35. D. Khong xéc dinh duogc.
Céu 24. Cho ham s y = 2sin? x —cos 2x . Khi do tong gia tri 1on nhat va gia tri nho nhat cta ham sb
bang:
A.2. B. 3. C.4. D. 2++2.

. T A
Cau 25. Ham s6 y = tan(xntzj cO tap gia tri trén doan [—

A. T =[-1;0]. B. T =[0;1]. C. T:{——;o}. D. T:{o;—}.
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Céu 26. Vi gia tri nao sau day cia m thi ham s6 y = m+/sin2x va ham s y =cosx—1 co cung tap gia
tri?
A. m=-2. B. m=-1. C. m=1. D. m=2.

Céu 27. Ham s6 y=cosx nhdn gia trj 4m voi moi x thudc khoang nao trong cac khoang sau?

A. (—%;0). B. (o;%) C. (0;7). D. (%nj

Cau 28. Gia tri nho nhét cia ham s6 y =sin® x—4sinx—5 la:

A. 9. B. 8. C.0. D.9.
Cau 29. Gia tri 16n nhét ciia ham s§ y =1—2cosx —cos® x 1a:

A. 1. B. 2. C.3. D. 4.
Cau 30. Tim gia tri nho nhét m cta ham s y =1-2sinx trén doan [—%%’1

A. m=-1. B. m=0. C.m:%. D. m=2.
Cau 31. Ham s§ y =5+ 4sin2x.cos2x cé tat ca bao nhiéu gia tri nguyén?

A.3. B. 4. C.5. D. 6.

A \ £ . T : r o Ay a ia e A
Ciu 32. Haimso y = s1n(x + gj —sinx co6 tat ca bao nhiu gia tri nguyén?

A. 1. B. 2. C.3. D. 4.
Cau 33. Gi4 tri 16n nhat ctia ham s§ y = cosx ++v2—cos” x la:
A. max y=1. B. maxy:%. C. maxy=2. D. maxy:\/f.
Céu 34. Tong gia tri nho nhat va gia tri 16n nhét ciia ham s6 y = 4cos? x+cosx—1 la:
A.S. B. 2. c. p. 3L
16 16 16

Cau 35. S6 gio c6 anh sang mit troi ciia mot thanh phé A trong ngay thir ¢ ctia nam 2018 duge cho bai
mot ham sé y = 4sin {%(t - 60)} +10 voi t€Z va t>0. Vao ngiy nao trong nam thi thanh phd

A ¢ nhiéu gid c6 anh sang mit troi nhat?
A. 28 thang 5. B. 29 thang 5. C. 30 thang 5. D. 31 thang 5.
Cau 36. Hang ngay muc nudc ctia con kénh 1én xuong theo thuy tricu. B9 sau 4 (mét) ciia muc nudc

trong kénh duoc tinh tai thoi diém ¢ (gid) trong mot ngay boi cong thirc 4 =3cos (%t+%j +12.
Muc nudc cia kénh cao nhat khi:
A. t=13 (gio). B. t =14 (gio). C. t=15 (gio). D. =16 (gio).

Cau 37. Tim tit ca cac gi trj ciia tham s6 m dé bét phuong trinh 2 cos® x + V3sin2x>2m-1 nghiém
ding voi moi x e R.
A. m<0. B. m>0. C. m<2. D. m>2.

Cau 38. Tim tat ca cac gia tri cia tham s6 m dé phuong trinh \/4 —5sin(5x—2) <m+1 nghiém dung

voi moi x € R.
A. m>0. B. m>1. C. m>2. D. m > 3.

Cau 39. Cho ham s y:sinzx—4(m—2)cosx+2m vd A=max y+miny. Véi %SmSZ thi gia tri

cia A theo tham sd m 1a:
A. A=4m? —16m+25. B. A=4m.

C. A=4m* —8m+9. D. A=4m+1.
7.4. Tinh chin 1é ciia ham so lwong giac

Gido vién Ddng Thi Oanh - 0949264768 Page 14




Pai s6 va giai tich 11 (CB)

Céu 1. Khing dinh nao sau day sai? ’
A. y=tanx 1a ham so I¢. B. y =cotx la ham s0 1¢.
C. y=sinx 1a ham s6 1é. D. y=cosx 1a ham sb 1é.
Céu 2. Trong cac ham s6 sau, ham s6 nao 13 ham s6 chin?
A. y=sin2x. B. y =cos3x. C. y=tan4x. D. y=cot5x.
Céu 3. Ham s6 nao sau day 1a ham sé chdn?
tan x

A. y=sin3x. B. y=x.cosx. C. y=cosx.tan2x. D. y=——.
sin x
Cau 4. Cho cac ham s6 y = cot2x, y =cos(x+7), y=1-sinx, y =tan*"'® x. 86 ham s chén 1a:
A. 1. B. 2. C.3. D. 4.
CAu 5. Cho ham sd f(x)=cos2x va g(x)=tan3x, chon ménh dé dtng trong cac ménh dé sau:
A. f(x) laham s61¢, g(x) 1a ham sé 1¢.
B. f(x) laham sd 1¢, g(x) la ham s chén.
C. f(x) 1a ham s6 chin, g(x) la ham sé 1¢.
D. f(x) 1a ham s6 chén, g(x) 1a ham sb chan.

Cau 6. Ham s0 nao sau day 1a ham so 1¢?

A. y=sin’x. B. y =sinx.cosx. C. y=sinx.tanx. D. y =sinx.cotx.
Céu 7. Ham sb nao sau ddy 1a ham sé 1?
A. y=2x+cosx.  B. y=cos3x. C. y=x".sin(x+3). D. y=cos33x‘
Céu 8. Trong cic ham s6 sau, ham s6 ndo 14 ham s6 khong chin, khong 16? ’
A.y :%. B. y=tanx—-cotx. C. y=sin2x+cos2x. D. y= V2 —sin? 3x.
COSs” X

A . CA 1N A 14 £ o1x A : COS X \
Cau 9. C6 bao nhiéu ham s0 1€ trong cdc ham so sau: y=x.sinx, y=——, y= tan()c2 - 3) va
X

=cot x+£
Yy 5 )

Al B.2. ) C.3. D. 4.
Cau 10. Ham s6 nao sau day c6 do6 thi doi xting qua goc toa do?

A. y=[sinx]. B. y=cos(x+%j. C. y=xsinx. D. y=cotx+1.
Cau 11. Ham sd nao sau dy c6 d6 thi d6i xtng qua truc Oy ?
2
A. y:|sinx—3|. B. y:xz.sinx. C.y= alliy D. y:x2+x.c0sx+2.
COS X

Cau 12. Cho ham s6 y = m+ cosx.sin (77[—3xj (voi meZ va me(-1;5)). Tong tat ca cac gia tri cua

tham s6m dé ham sb da cho 12 ham s6 chén 1a:
A. 6. B. 8. C. 10. D. 12.
Cau 13. Goi m, n lan lugt 1a s6 cac ham so6 chan va s6 cac ham s6 1€ trong cac ham s6 dudi day:

(I). y=3sinx+x, (1]).y:2003(2x—3?ﬁj,
(1]1).y:sin(x+37ﬁj, (1V). y =x.tan(x—7).

Giatricia m —n la:

A. 2. B. 1. C.0. D. -1.
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A . P Y P T R 4 X 13 4 : ZBETER
Cau 14. Goi S la tap tat ca cac gia tri cua tham s6 m d€ ham so y=tanx—2(m2—1)sm(x+5j la ham

s6 1é. Tong tat ca cac phan tir ciia S bang:
A. 0. B. 1. C.2. D. Khong xéc dinh duoc.
(3a—1)sinx+bcosx, khi x<0

asinx+(3-2b)cosx, khi x>0

ham so da cho 1a ham so 1é.

Cau 15. Cho ham sb y = { . Tim tat ca cac gia tri ctia tham s a va b dé

3

A. Va, b=0. B. Va, b :5. C.a=—,b=3. D. Khong c6 a, b thod man.

1
) 2
7.5. Tinh don di€u ctia ham s6 hrgng giac

Cau 1. Cho ham s0 y =sinx. Ménh d€ nao sau day dung?

A. Ham s dong bién trén khoang %; ﬂj, nghich bién trén khoang (71';37”).

B. Ham s6 dong bién trén khoang —377[;—%), nghich bién trén khoang (—%,%)

C. Ham s6 d@)ng bién trén khoang O;gj, nghich bién trén khoang (—%;Oj.

D. Ham s dong bién trén khoang —%;%j, nghich bién trén khoang (%,377[)

Céu 2. Ham s nao sau ddy dong bién trén khoang (-7;0)?

A. Y =COSX. B. y=sinx. C. y=tanux. D. y=cotx.
. 31z 33 5
Chu 3. Véi x e (T”;Tﬂj’ ménh d& nao sau day 1a dung?
A.Ham sé y=sinx ddng bién. B. Ham s6 y = cosx nghich bién.
C.Ham s y = tan x nghich bién. D. Ham s y = cot x nghich bién.

CAu 4. Cho hai ham sb f(x)=—sin2x, g(x)=—1+cos2x. Véi x e (O; %), ménh dé nao sau day l1a
dang?
A.Cahaihamsd y = f(x) va y = g(x) déu nghich bién.
B. Cd hai ham s6 y = f(x) va y = g(x) déu dong bién.
C.Ham s6 y = f (x) nghich bién, ham s6 y = g(x) dong bién.
D. Haim s6 y = f(x) dong bién, ham s6 y = g(x) nghich bién.

Céu 5. Ham s6 y =sin2x dong bién trén khoang nao trong cac khoang sau?

A. O;Z. B. E;7r . C. ﬂ;3—7z. D. 3—7[;27r .
4 2 2 2

A © o 1a £ \ A . A - £ A ) T
Cau 6. Trong cac ham s6 sau, ham s6 nao dong bién trén khoang (—g;gj?

A. y=—tan(2x+%j. B. y=cot(2x+%).

C. y=sin(2x+%j. D. y=cos(2x+%j.

Céu 7. Ham sb y = cosx dong bién trén khoang nao trong cac khoang sau?

A. (0%) B. (m;27). C. (-m7). D. (0;7).
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Céu 8. Ham s6 y =sinx ddng bién trén khoang?

A. (—67;-57). B. (19—”;107zj. C. (—7—”;—37zj. D. (77z;15—”j.
2 2 2
Céu 9. Cac khoang dong bién ctia ham sd y = cos(Zx —%j la:
A.(£+kﬂ;2—ﬂ+kﬂ'j,(k€Z). B. (5—”+kﬂ;“—”+k7zj,(keZ).
6 3 12 12
C. (—%+kﬂ';%+k7rj,(keZ). D. (—%+k;z;%”+knj,(kez).

Cau 10. Trong khoang (0;%), hai ham s nao sau ddy ciing dong bién?

A. y=sinx va y =COSJX. B. y=sinx va y = tanx.
C. y=sinx va y =cotux. D. y=cosx va y =cotx.
Céu 11. Trén doan [0;27] ham sb y =sinx dong bién trén nhitng khoang nao?
A. (0;7). B. —z;Z . C. (m27). D. 0;Z va 3—”;27[ .
22 2 2
Cau 12. Véi x e (0; %j ménh d& nao sau day sai?

A.Ham s6 y =sinx ting. B. Ham s6 y = cotx giam.
C.Ham sd y = tanx ting. D. Ham s6 y =cosx ting.
7.6. D6 thi ciia ham s6 lwong gidc

Céu 1. D6 thi ham sé y = cos(x—%j dugc suy ra tir 6 thi (C) cta ham sé y =cosx bang cach:

A. Tinh tién (C) qua tréi mot doan c6 do dai la %

N

B. Tinh tién (C) qua phai mot doan c6 do dai la —.

[\

C. Tinh tién (C) 1én trén mot doan ¢6 do dai 1 %

D. Tinh tién (C) xubng dudi mot doan co d6 dai 1a %

Céu 2. D6 thi ham s6 y =sinx dugc suy ra tir d6 thi (C) cta ham sd y =cosx bang cach:
z
>

B. Tinh tién (C) qua phai mot doan c6 do dai 1a %

A. Tinh tién (C) qua trdi mot doan c6 d¢ dai 1a

C. Tinh tién (C) 1én trén mot doan ¢6 do dai 1 %

D. Tinh tién (C) xubng dudi mot doan co d6 dai 1a %
Céu 3. D6 thi ham s6 y =sinx dugc suy ra tir d6 thi (C) cta ham sd y =cosx+1 bang cach:

. e , . n , an qacqs T 1A n .
A. Tinh tién (C) qua trai mot doan c6 do dai la B} va lén trén 1 don vi.

B. Tinh tién (C) qua phai mot doan c6 d6 dai la % va lén trén 1 don vi.
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. X S A ;o3a qa: 1y T J4 L .
C. Tinh tién (C ) qua trai mot doan c6 dg dai la B va xuong dudi 1 don vi.

D. Tinh tién (C) qua phai mot doan co d6 dai la % va xubng dudi 1 don vi.

Cau 4. o thi ctia ham s6 y = tan x 1a:

2y 2y
5 > SR e N
) 2 2 2 4
(C) (©)
Ty Ty
_3 A2 O] I i3 ’ /z’n - T T}
NN "/
-1 -1
(C3) (Ca)
A (C) B. (C,). C. (Gy). D. (C,).

Céu 5. Pudng cong trong hinh dudi day 1a d6 thi cuia mot ham sé trong bdn ham sb duogce liét ké & bon
phuong an A, B, C, D.

-

Yy

w

Hoi ham s6 d6 1a ham s6 nao?
A. y=1+sin2x. B. y =cosux. C. y=—sinux. D. y=—cosux.

A ‘R N A M A A ., N X . w
Cau 6. Diém nao sau day nam trén do6 thi cia ham s6 y =2 sm(x + gj —3?

A. 0(0;0). B. M (0:—43).  C. N(ZT”;\/EJ. D. P(—\/_;—%j.

Céu 7. D6 thi ham sé y = cosx nhan duoc tir dd thi ham s6 y =sinx qua phép tinh tién theo vécto

A u= O;—z . B. u= O;z . C.u= —Z;O . D. u= Z;O .
2 2 2 2

Céu 8. D6 thi ham sb y=— cot(% - xj —1 nhan duoc tir d6 thi ham s y = cot x qua phép tinh tién theo

vecto
A U= —Z;—l . B. u= —z;l . C.u= z;—1 . D. u= z;1 .
3 3 3 3
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Céu 9. Pudng cong trong hinh duéi day 1a do thi ctia mot ham s6 trong bon ham sb duoc liét ké & bon
phuong an A, B, C, D.

-

Yy

p

-3 TC/TC —7T q TC/TC 35T

Ho6i ham s d6 1a ham sd nao?
. X X X X
A. y=sin| —— |. B. y =sin—. C. y=sin—. D. y=cos—.
y ( 2) y 5 Y 1 y 5

Céu 10. Pudng cong trong hinh dudi day 1a d6 thi cia mot ham s trong bdn ham sb dugc liét ké & bbén
phuong an A, B, C, D.

-~y

=

|
_\‘5 0
AN
A|§‘
/“"
v

Hoi ham s6 d6 1a ham so nao?

A. y:x/zsin(x—%j. B. y=cos(x—37”j.

. RY/4 T
C. y=sm| x——|. D. y=cos| x——|.
g ( 4) g ( 4)

Céu 11. Puodng cong trong hinh duéi ddy 1a do thi ciia mot ham sb trong bon ham sb dugc liét ké & boén
phuong an A, B, C, D.
- y

V2
i

4ol

N
N
N
N
a

V3]

Hoi ham sb d6 1a ham s6 nao?

A. y=—/2sin -Z. B.y:\/isin x+Z .
4 4

C. y:x/zsin(x—%[j. D. y:\/acos(x—%).

Céu 12. Pudng cong trong hinh dudi day 1a d6 thi cia mot ham s trong bon ham sb duogc liét ké & bbn
phuong an A, B, C, D.
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¥

_/3/7} —7T T O 7T T 3¢
2 2 2 2
—1
Hé1 ham s6 d6 1a ham s6 nao?
A. y=cCosx. B. y =|cosx]. C. y=—Cosx. D. y =cos2x.

Céu 13. Pudng cong trong hinh duéi day 1a d6 thi cia mot ham s trong bon ham sb duogc liét ké & bén

phuong an A, B, C, D.

-

-~

Yy
1
X
37z —7T _ 7 o 7 7T 37z "
2 2 2 2
—1
Hoi ham s6 do 1a ham so nao?
A. y=sinx. B. y =[sinx]. C. y =sinlx]. D. y =—sinx.

Céu 14. Pudng cong trong hinh dudi day 1a d6 thi cia mot ham s trong bdn ham sb dugc liét ké & bbén

phuong an A, B, C, D.

-

2

-~

h g

w

Hoi ham s6 d6 1a ham so nao?

A. y=1+sin|x|. B. y=1+sinux.

=
2

C. y=1+[sinx]. D. y=1+cosx.

Céu 15. Puong cong trong hinh duéi ddy 1a do thi ciia mot ham sb trong bon ham sb dugc liét ké & boén

phuong an A, B, C, D.

-

N

y

A
2

Ho61i ham s6 @6 1a ham so nao?

A. y =tanx. B. y:|c0tx|.

v

A
2

C. y:|tanx|. D. y =cotux.
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§2. PHUONG TRINH LUQNG GIAC CO BAN
1. Phwong trinh sinx =sina
1.1. Ly thuyet

x=a+k2r

(keZ).

x=arcsina+k2x

a. sinx=sing &
x=rw—a+k2n

(keZ).

b. sinx=a(-1<a<l)< )
x=sm—arcsina+k2r

c sinu=—sinv<:>sinu=sin(—v).
. ) T
d. sinu=cosv<simmu=|——v|.
2
) ) . T
e.SIny =—CoSV <> sinu = sin V_E .

: 1 A A A ,e \ K. . b
f. asinx+b =0 (Phuong trinh bac nhat doi véi ham so sin) < sinx =——.
a

2. Chu y: Cac truong hop dic biét:
o sinx=0ox=kx(keZ).

3 sinx=l®x=%+k27z(keZ).
) T
° smx:—1<:>x=—5+k27r.

) T
° s1nx:il®x=5+k7z.

1.2. Bai tap
Bai 1. Giai cac phuong trinh sau:
a) sinx=0 b) sin2x =1 c) sin(x+%):—l
d) sin(z—xj—l e) sin(3x—£j—l f) sinx——l
3 6) 2 3
. 2 . (x 7 \/§
sin2x =2 h) sin(2x—-1)=— i)sinf ——— |=——
" ) sin(2x-1) = % sinf 3- 2] =%
Bai 2. Giai cac phuong trinh sau:
a) sinx:sin(Zx—%) b) sin3x = cosx c) sin(x—1200)=—cos 2x
d) sin3x+sin(%—§):0 e) sin? x =1 f) sinx? =1
Bai 3. Tim tit ca cac gia tri ciia tham s6 m dé ham sb sau c6 nghiém:
a) sin2x =2m b) sinx+1=-3m+7 c) sinx = —2—
m+1
d) msin3x=2-m e) msin(x—3):m2—m f)sin(2x+%)=m2—2m

2. Phwong trinh cos x =cosa
2.1. Ly thuyet

x=a+k2rx
4. COSX =COoSd < (keZ).

x=—a+k2rx

x=arccosa+k2rx
b. cosx:a(—lﬁasl)c{ (keZ).

x =—arccosa+k2rx
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C. COSU =—COSV <> COSU =cos(7r—v).

. T

d. cosu=sInv<>cosu=cos| ——v |.
2
) T

e.CoSu = —SINV <> COSU = COS E+v .

f. acosx+b=0 (Phuong trinh bac nhit d6i véi ham sb cosin) < cosx = —é.
a
2. Chu y: Céac truong hop dic biét
e cosx=0& x=%+k7z(keZ).

o cosx=lox=k2r(kelZ).
o cosx=-lox=r+k2n(kel).
o cosx=tlox=kr(kel).

2.1. Bai tap
Bai 1. Giai cac phuong trinh sau:

a) cosx=0 b) cos2x=1 c) cos(x+%j:—l
d) cos(z—xj—l e) cos(3x—£)—l f) cosx——l
3 6) 2 3
2 (x ﬂj V3
cos2x =2 h) cos(2x—1)=— i) cos| ——— |=——
g) ) cos( ) > ) 573 5
Bai 2. Giai cac phuong trinh sau:
a) cosx=cos(2x—%) b) cos3x =sinx ) cos(x—1200)=—c032x
d) cos3x-+sin Z_Xloo e) |cosx|=l f) cos(xz—Zx):l
4 2
Bai 3. Tim tit ca cac gia tri ciia tham s6 m dé ham sb sau c6 nghiém:
a) cos2x=m b) cosx+1=-2m+7 c) cos(x+2):_—m1
m_
0 2 A 2
d) mcos(3x—120 ):m+2 e) mcos3x=m"+m f) cos(x+zj=m +2m

3. Phwong trinh tanx =tana
3.1. Ly thuyet
a. tanx =tana < x=a+k7r(k eZ).

b. tanx=a @x:arctana+k7z(keZ).

C tanu =—tanv < tanu :tan(—v).

T
d. tanu =cotv< tanu = tan(z—vj.
/4
e. tanu =—cotv<o tanu = tan(5+vJ.

f. atanx+b =0 (Phuong trinh bac nhit di véi ham s tang) < tanx = —2.
a

2. Chu y: Cac truong hop dac biét
o tanx=0ox=krz(kelZ).
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° tanx:ilcx:i%+k7z(keZ).

3.1. Bai tap
Bai 1. Giai cac phuong trinh sau:

a) tan x = tan 30° b) tan(2x j = tan(—%) ¢) tanx =—1
d) tan2x =3 e) tan(x+—j= f) tan(3—x)=0
Bai 2. Giai cac phuong trinh sau:
a) tan(2x + 450) = tan 30" b) tan(%— j —tan3x ¢) tan2x = cot (x+%j
d) tan(2x+1)+cotx =0 e) tan’ x =1 f)tan(x2+2x+3)=tan2

4. Phuwong trinh cotx =cota
4.1. Ly thuyet
a. cotx=cota < x = a+k7r(k € Z).

b. cotx =a < x=arccota +kx(k eZ).

c. cotu =—cotv <> cotu = cot(—v).

T
d. cotu =tanv < cotu =c0t(5—vj.
T
e. cotu =—tanv < cotu :cot(5+v)

f. acotx+b=0 (Phuong trinh bac nhit dbi véi ham s6 cotang) < cot x = —2.
a
2. Chu y: Cac truong hop dac biét

° cotx=0<:>x=%+k7z(keZ).

. cotx=ir1<:>x=ir%+k7z(keZ).

4.1. Bai tap
Bai 1. Giai cac phuong trinh sau:

a) cotx = cot30° b) cot(Zx j— cot(—%) ¢) cotx=—-1
1
d) cot2x=-/3 e) COt(x+—j=— f) cot(3—x)=0
-5 (3-2)
Bai 2. Giai cac phuong trinh sau:
a) cot(2x+450)=cot300 b) cot(z j —cot3x c) cot2x=tan(x+%j
d) cot(2x+1)+tanx=0 e) |cotx| =1 f) cotx? =1

4. Bai tap tric nghiém
Cau 1. Phuong trinh sinx =sina (e € R) c6 cac nghiém la:

x=a+k2x x=a+kr

A. ,kel. B. , kel
x=—a+k2x x=—a+kr
x=a+k2r x=a+krx

C. , ke D. , keZ.
x=rw—-a+k2x x=rw—-a+kr

Cau 2. Phuong trinh tan x = tan (po c6 cac nghiém la:
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A x=p+k180° ke Z. B. x=¢+k360°, ke Z.

C. x=—¢+k.180°, k e Z. D. x=—-¢+k360°, k e Z.
Cau 3. Phuong trinh cosx =0 co6 cac nghiém la:

A.x:%+k27z,keZ. B.x:—%+k27z,keZ.

C.x=%+k7z,keZ. D. x=kr, keZ.

Cau 4. Phuong trinh nao sau day c6 cung tap nghiém véi phuong trinh cosx=0?
A. sinx=1. B. sinx =—1. C. tanx =0. D. cotx=0.
Cau 5. Phuong trinh cot2x = 3 cocac nghiém la:

A x=24kZ ker. B. x=" tkr kel
1 2 12

C.x=2+iZ ken D. x=Z+kr kel
6 2 6

Cau 6. Phuong trinh cos? x =1 ¢6 cée nghiém la:

A. x=k2r,keZ. B.x=krx, kel. C.x:k%,keZ. D. x=xn+k2x, ke Z.

Cau 7. S6 nghiém cua phuong trinh x/zcos(2x —%j =1 voi 0<x<2r la:
A. 1. B. 2. C.3. D. 4.
Cau 8. Cho phuong trinh (Zm2 —5Sm+ 2)cos 2x=2m—1. Tim tap hop M céc gia tri ciia tham s m dé
phuong trinh da cho c6 nghiém.
1

A M :(2;3]. B. M :(—oo;l)u(3;+oo).C. M:{E} D. M =(—oo;l]LJ[3;+oo).

Cau 9. Trén (0;7), phuong trinh sin 2x = —% c6 bao nhiéu nghiém?
A. 0. B. 1. C.2. D. 3.

Cau 10. Phuong trinh cotx = _T3 vol 0<x < %

A. C6 nghiém la % B. C6 nghiém 1a g C. Khong c6 nghiém. D. C6 nghiém la -%.
Cau 11. Phuong trinh sinx.cosx.cos2x =0 c6 cac nghiém la:

A. x=kr, kel B.xz%z,keZ. C.x:%[,keZ. D.x:%,keZ.

cotx—«/g

Cau 12. Phuong trinh — 1 - 0 ¢o6 cac nghiém la:
sinx ——
2
A.x:%+k27z,keZ. B.x:%+k7z,keZ.
T T
C.x=?+k27r,keZ. D.x=?+k7z,keZ.
Cau 13. Vi gia tri nao cua m thi phuong trinh sin2x+m =msin2x vO0 nghi¢m?
A. m=1. B.m>l. C.mSl. D.mzl.
2 2 2

Cau 14. Phuong trinh nao dudi day co6 tap nghiém trung voi tdp nghi€ém cua phuong trinh cos2x =0
A. sin2x=1. B. sin? x =1. C.tanx=1. D. tan’ x=1.
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Céu 15. S nghiém cta phuong trinh cos (% +%j =0 thudc khoang (7;87) la:

A. 1. B. 2. C.3. D. 4.

Cau 16. Tong cac nghiém ctia phuong trinh 2cos(x —%) =1trén (-7z;7) la

AE B. Z. c. i p. =,
3 3 3 3

Cau 17. Phuong trinh cosx—m =0 v0 nghiém khi

A. m>1. B. m<—I. C. -1<m<l. D. m>1 hodac m<—1.
Cau 18. Phuong trinh sin3x =cosx c6 cac nghiém la:

Ax=2+kZlx=Zvkn kel B. x=k2m;x=2+k2r, ke Z.

8 2 4 2
Vs Vs
C.x=k7z;x22+k7z,keZ. D.xzk;;x:kﬂ,keZ.

Cau 19. Goi X la tap nghiém cta phuong trinh cos (§+ ISOJ =sinx. Khi do

A. 290° e X. B. 250° e X. C. 240° e x. D. 220° € X.
Cau 20. Phuong trinh sinx.cosx =0 la:

A.x:k%,keZ. B. x=kz, keZ. C.x=k%,keZ. D.x=%+k7z,keZ.

Cau 21. Phuong trinh tanx + J3=0 c6 cac nghiém la

A.x:%+kﬁ,keZ. B.x:—§+kﬂ,keZ.

C.x=%+k7z,keZ. D.x:—%+k7z,keZ.
Cau 22. Goi T la tap nghiém cua phuong trinh tanx.cotx=1. Giad tri cia 7 la:

A.T=R. B. T =R\{kz(keZ)}.

C. T=R\{%+k7z(keZ)}. D. TzR\{k%(keZ)}.
Cau 23. Phuong tinh w =3 tuong duong véi phuong trinh:

SInx—CoS X

A. tan(x+%j:\/§. B. cot(x+%):\/§.
C. tan(x+%j=—\/§. D. cot(x+%j=—x/§.

Cau 24. Phuong trinh cos (% + xj +cos (% - xj =1 c6 cac nghiém la:

T

A. x=k2x, ke. B. x:5+k27z,keZ.
C.x=kr kel D. x=%+k7z,keZ.
Cau 25. Phuog trinh tan x =cotx c6 cac nghiém la:
A. x=%+k7z,keZ. B. x:—%+kﬂ,keZ.
C.x=2+ikZ ker. D.x=24kZ ke
4 72 4 4
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Céu 26. Sb vj tri diém biéu dién ctua phuong trinh sin(Zx +%) = % trén dudng tron luong giac la

A. 1. B. 2. c.4. D. 6. i
Cau 27. Véi nhiing gia tri nao cua x thi gia tri cua cdc ham so0 y =sin3x va y =sinx bang nhau?
(x=k2rx (x=kx
A. , kel B. , kel
x=21kor x=2+kZ
L 4 L 4 2
[x=kon [x=kx
C. T ﬁ,kGZ. D. T ,kGZ.
xX=—+k— xX=—+krx
L 4 2 L
A . NP LA . 2co0s2x AT AR A an
Cau 28. Goi x; 1a nghiém duong nhé nhat cua phuong trinh Tenor 0. Ménh dé nao sau day dung?
—sin2x
A. xy € O;Z . B. xy € Z;Z. C. x) e 5;3—” . D. x, € 3—”;7z .
4 4°2 2 4 4
Cau 29. Trén doan [-2017;2017], phuong trinh (sin x + 1)(sin x— \/5) =0 cO tit ca bao nhiéu nghiém?
A. 1926. B. 642. C. 641. D. 1284.

B3

Céu 30. Tong nghiém 4m 16n nhit va nghiém duong nho nhét cua phuong trinh sin (3x—%j = B béng:

A -Z B. 7. c.-=. D. L.
6 18 18 6
A . \ ‘A A r A 5 \ 0 \/5 A A A
Cau 31. Goi x; 1a nghiém am 16n nhat ctia phuong trinh cos(Sx -45 ) = - M¢énh dé nao sau day
dang?
A. x €(-90"-60). B. x) e(-60";-45°).
C. xp e (-45%-30°). D. x, &(-30%0°).

Cau 32. Trén doan {—%; 27:} , phuong trinh cosx = E c6 bao nhiéu nghiém?

A. 2. B. 3. C.4. D. 5.
Céu 33. Tong cic nghiém cua phuong trinh tan (2x ~15° ) =1 trén khodng (—900;900) bang:
A. 0°. B. -30°. C. 30, D. —60°.
Céu 34. Cho tan (x+§j = 1. Hiy tinh sin(2x—%).
. V4 1 ) V4 1
A.sin| 2x—— |=——. B. sin| 2x—— |=—.
6 2 6) 2
C. sin| 2x-Z =—£. D. sin| 2x— 2 :ﬁ.
6 2 6 2

Cau 35. Phuong trinh nao dudi day cé tap nghi€ém trung voi tap nghi€ém cua phuong trinh tanx =1?
A. sinx:72. B. cosx:72. C. cotx=1. D. cot’ x=1.

Cau 36. C6 bao nhiéu gia tri nguyén cta tham s m dé phuong trinh cosx =m+1 c6 nghiém?
A. 1. B. 2. C.3. D. V0 so.

. Y Y TR TIN, A o £ 2 \ T .
Cau 37. Goi § la tap tat ca cac gia tri nguyén cia tham so m dé phuong trinh cos(2x _Ej -m=2 cb

nghiém. Tinh téng T cla cic phan tir trong S.
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A. T=6. B. T =3. C.T=-2. D. T =-6.

Cau 38. Cho phuong trinh (\/m +T+x )cos x = 0 . Két luan nao sau ddy vé phuong trinh 1 dang?
A. C6 1 nghiém. B. C6 2 nghiém. C. V6 nghiém. D. C6 v6 s6 nghiém.

Cau 39. Phuong trinh cos(sinx)=1 c6 bao nhiéu nghiém trén khoang (-27;27)?
A. 2. B. 3. C.4. D. 5.

Cau 40. Phuong trinh sin2x = —73 co cac nghiém co dang x=a +kx ; x=f+kx (k€Z). Khi d6 gia

tri cia o.f la:
2 2 2 2
A -2 B. - 27 c. p. 2.
9 9 9 9
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§3. MOT SO PHUONG TRINH LUQNG GIAC THUONG GAP
1. Phuong trinh béc hai doi véi mgt ham so lugng giac
1.1. Ly thuyet , ,
a. Dinh nghia: Phuong trinh bac hai doi véi mot ham so lugng giéc la phuong trinh c6 dang
at* +bt+c=0.
trong d6 a, b, ¢ 1a cac hing s6 (a #0) va ¢ 1a mot ham sd lugng gidc.

b. Mo rong: at® +b* +ct+d =0 (V6i ¢ 1a mot ham s luong gidc).
d. Phuwong phap gidi: (Dat an biéu thuce lwong gidc lam an phu va dat diéu kién cho an phu (néu co))
e t=sinx, t=cosx: didukién —1<7r<1.

e t=|sinx|, t=|cosx|: diéukién 0<7<1.

e t=sin’x,t=cos’x: diéukién 0<r<I.

e f=tanx,=cotx: khong cé diéu kién dbi voi bién ¢.
1.2. Bai tap
Bai 1. Giai cac phuong trinh sau:

a) 2sin’ x+sinx—3=0 b) 4sin® x—4cosx—1=0

¢) tan2x+(1—ﬁ)tanx—f=0 d) 4sin2x—2(\/§+1)sinx+\/§=0
e) 4cos° x.sin x —4sin° x.cos x = sin® 4x f) 4¢0s> x +3+/2 sin 2x =8cos x

g) tan? x +cot> x=2 h) cot?> 2x—4cot2x+3=0

Bai 2. Giai cac phuong trinh sau:
a) 4sin23x+2(\/§+1)cos3x—\/_=4 b) cos2x+9cosx+5=0

¢) dcos? (2 6x)+16cos (1-3x) =13 d) — ~(1++3)tanx-1+43=0

cos® x
4
e) +tan®x=9 f) 9—13cosx+—2:O
CcoS x I+tan” x
g) ——=cotx+3 h) 3 +3cot’x=5
sin” x cos” x
i) cos2x—3cosx=4coszg k) 2cos2x+tanx =1

sin3x+cos3x 3+cos2x
1+2sin2x

Bai 3. Cho phuong trinh sin x+ . Tim cé&c nghiém cta phuong trinh thuc

khoang (0;27).
Bai 4. Cho phuong trinh cos5x.cos x = cos4x.cos2x+3cos2x +1. Tim cac nghi€ém cua phuong trinh
thudc khoang (—r; 7).
) ey . . 4 . 4 T . 4 T
Bai 5. Giai phuong trinh sin™ x +sin (x + Zj +sin (x — Zj = 7

2. Phwong trinh bac nhat ddi véi sinx va cosx

2.1. Ly thuyét

a. Dinh nghia: Phuong trinh bac nhat d4i vi mot ham sd sinx va cosx 1a phuong trinh c6 dang
asinx+bcosx=c.

b. M6 rgng: asinu+bcosu=c (Voi u=u(x)).

c. Diéu kién cé nghiém: a®+b* =

d. Phwong phdp gidi: (Sir dung cong thirc cong dé bién doi phirong trinh vé dang co ban)
. g / . b
B1. Chia hai vé€ cua phuong trinh cho a’ +b? | ta dugc: % sinx+——— cosx= ¢

a’ +b° a’ +b* \/a2 +b?
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a b . - . NN 4 A . A
ﬁ =cosa —> N sina (Hodc nguoc lai, tuy vao mong muodn dua ve sin hay cosin
a +b a +b

cua bai todn).

B2. Dat

. ) c ) c
B3. Phuong trinh trd thanh: sinx.cosa +SIn@.co0S X = —— S sin(x+ ) = ———.
& 2 42 ( ) [ 2 2
a“+b a“+b
2.2. Bai tap
Bai 1. Giai cac phuong trinh sau:

a) cosx++/3sinx =~/2 b) sinx+cosx=§

¢) V3 cos3x+sin3x=+/2 d) sinx+cosx =+/2sin5x

) x/gsin2x+sin(§+2xj:1 f) (\/g—l)sinx+(\/§+l)cosx+\/§—l =0
Bai 2. Giai cac phuong trinh sau:

a) 3sin® x++/3sin2x =3 b) sin 8x — cos 6x=x/§(sin 6x + cos 8x)

) 800s2x=,—3+ ! d) cosx—x/gsinx=2005££—xj

sinx COSX 3

e) sin 5x —cos 5x =~/2 cos13x f) (3cosx—4sinx+6)2 —9cosx+12sinx-16=0
Bai 3. Giai cac phuong trinh sau:

a) 3sinx—2cosx=2 b) V3cosx+4sinx—~/3=0

¢) cosx+4sinx=-1 d) 2sinx—5cosx =5

. T . ) 32 . . V4
e) 2sin x+z +sin x—z ZT Dx/§c032x+sm2x+251n 2x—g =22

Bai4. Tim m dé phuong trinh (m+2)sinx+mcosx =2 c6 nghiém.
Bai 5. Tim m dé phuong trinh (2m —1)sinx +(m—1)cosx =m—3 v nghiém.

3. Phuong trinh ding cip bic hai
3.1. Ly thuyet ] , , ’
a. Dinh nghia: Phuong trinh dang cap bac hai doi vdi mot ham so lugng giac la phuong trinh ¢6 dang

asin® x+bsinx.cosx+ccos>x=0 (1)

b. Mo rgng: a sin? x +bsin x.cos x+ccos> x =d.
¢. Phwong phap gidi:

. 1- 2 1 2 . 1 .
Cach 1: Dung cong thic ha bac (sm2 X :y; cos? xz%; SIn X.COos X :Esm 2xj:
asin’ x +bsin x.cos x +ccos” x = 0 < a(1-cos2x)+bsin 2x+c(1+cos2x) =0

< bsin2x+(c—a)cos2x=-a—c

(Pady la phirong trinh bdc nhat doi véi sinx va cos x ).
Cach 2:
B1. Kiém tra cosx =0 c6 thod man phuong trinh (1) khong? (Néu a.c # 0 thi cosx =0 khong thoa man

phuwong trinh (1)).
B2. Véi cosx # 0, chia hai vé ctia phuong trinh (1) cho cos® x ta duoc:

atan’® x+btanx+c=0.
(Day la phuong trinh bdc hai doi véi ham s6 y = tan x ).

d. Chu y: asin® x +bsinx.cos x + ccos’ x = d < asin2x+bsinxcosx+ccos2x=d(sin2x+cos2 x).

3.2. Bai tap
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Bai 1. Giai cac phuong trinh sau:
a) 2sin’ x+(1—\/g)sinx.cosx+(1—\/§)cos2 x=1

b) 3sin? x+8sinx.cosx+(8\/§—9)cos2 x=0

c) 4sin? x+3+/3 sin x.cos x — 2 cos’ x = 4

d) sin2x+sin2x—2cos2x:%

e) 2sin2x+(3+\/§)sinx.cosx+(\/§—l)cos2x=—1
f) 5sin® x +2+/3 sin x.cos x + 3cos® x =2

g) 3sin® x+8sinx.cos x +4cos’ x =0

h) (\/E—l)sinzx+sin2x+(\/5+l)coszx=\/5

i) (\/§+1)sin2x—2\/§sinx.cosx+(\/§—l)coszx=O
) 3cos* x—4sin? xcos? x+sin® x =0

k) cos® x+3sin® x +2+/3sinx.cos x—1=0

1) 2cos® x—3sinx.cosx+sin> x =0

m) 2cos? x —3sinx.cosx+sin? x=0
Bai 2. Giai cac phuong trinh sau:

a) sin® x+2sin x.cos> x—3cos> =0
. . 2-1
b) \/gsmx.cosx—sm2 xX= \/_T
-3 2 2 : 2 3.
¢) sin” x—5sin” x.cosx—3sinx.cos” x+3cos” x =0
Bai 3. Tim m dé phuong trinh (m+1)sin® x—sin 2x+2cos® x =1 ¢6 nghiém.
Bai4. Tim m dé phuong trinh (3m - 2) sin? x — (Sm - 2) sin2x +3 (2m + l)cos2 x =0 vO nghiém.
4. Phuong trinh ddi xirng
4.1. Ly thuyet
a. Dinh nghia: Phuong trinh doi xing doi vdi sinx va cos x 1a phuong trinh c6 dang :
a(sinx*cosx)+bsinx.cosx+c=0(1).
b. M6 réng: alsinx =+ cosx| +bsinx.cosx+c=0.
c. Phwong phap gidi:

o Dit t:sinxicosx:\/zcos(xigj,diéu kién —\/ESts\/E(Ms\/E).

) . 1
=1’ :1i2smx.cosx:>mnx.cosxziE(t2 —1).

e Thay vao phuong trinh da cho, ta dugc phuong trinh bac hai theo ¢ .
e Giai phuong trinh nay tim ¢ thoa man |f|<+/2. Suyra x.

d. Chi y:
e Vi phuong trinh a|sinxicosx|+bsin x.cosx+c=0.

cos (x F Zj
4

e COosx+Sinx= 200s(x—%j=\/§sin(x+%j.
e cCosx—sSinx= 2cos(x+%j=—\/§sin(x—%j.

bat t=|sinxicosx| =2

, = SInX.cosx = J_r%(z‘2 —1).
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4.2. Bai tap
Bai 1. Giai cac phuong trinh sau:

a) 2sin2x—3\/§(sinx+cosx)+8:0 b) 2(sinx+cosx)+2sin2x =2
¢) 3(sinx+cosx)+2sin2x =-3 d) (1—\/5)(1+sinx+cosx)=sin2x
e) sinx+cosx—4sinx.cosx—1=0 f) (1+\/§)(sinx+cosx)—sin2x:1+\/§
Bai 2. Giai cac phuong trinh sau:
a) sin2x—4(cosx—sinx)=4 b) 5sin2x—12(sinx—cosx)+12=0
) (1—x/§)(1+sinx—cosx):sin2x d) cosx—sinx+3sin2x—1=0
e) sin2x+x/§sin(x—%j=l f) (sinx—cosx)2 —(\/§+1)(sinx—cosx)+x/§:0

5. Phwong trinh dang khac
Bai 1. Giai cac phuong trinh sau:

2

. : . ) : 3
a) sin” x = sin? 3x b) sin? x+sin® 2x +sin? 3x = 5

2

) cos? x+cos” 2x+cos? 3x =1 d) cos” x+ cos? 2x +cos> 3x +cos> 4x =2

Bai 2. Giai cac phuong trinh sau:

a) sin6x+cos6x:% b) cos* x+2sin® x = cos 2x
Bai 3. Giai cac phuong trinh sau:
a) 1+ 2sinx.cosx =sinx+2cosx b) sin x(sinx—cosx)—1=0
¢) sin® x+cos® x = cos 2x d) sin2x =1++/2 cosx +cos 2x
e) sinx(1+cosx)=1+cosx+coszx f) (2sinx—1)(2cos2x+2sinx+1)=3—4cos” x

g) (sinx—sin2x)(sinx+sin2x) =sin*3x h) sinx+sin 2x +sin3x = 2 (cos x +cos 2x +cos 3x)
Bai 4. Giai cac phuong trinh sau:

a) 2cosx.cos2x =1+cos2x+cos3x b) 2sinx.cos2x+1+2cos2x+sinx =0

¢) 3cosx—cos3x+ 2cos? x = 2sin x.sin 2x d) cos5x.cosx =cos4x.cos2x+ 3cos® x+1
Bai 5. Giai cac phuong trinh sau:

a) sinx+sin3x+sinSx =0 b) cos7x+sin8x =cos3x—sin2x

¢) cos2x—cos8x+cosbx =1 d) sin 7x+ cos? 2x =sin® 2x +sinx
Bai 6. Giai cac phuong trinh sau:

3

. 3 I . . T .
a) sin” x +cos” X +—=sin 2x.sin x+z = oS x +sin3x

V2
b) 1+sin2x+2cos3x(sinx+cosx)=2sinx+2cos3x +cos 2x
6. Bai tap tric nghiém
Cau 1. Goi S 1a tap nghiém cia phuong trinh 2cosx—+/3=0. Khing dinh nao sau day dung?

A Fes. g U7 ¢ c. B, p. B¢
6 6 6 6

SR TR T ‘A s \ T A \ \ ./
Cau 2. S0 vi tri biéu dien cac nghiém cua phuong trinh tan(Zx —Ej +/3=0 trén duong tron lugng giac

1a?

A. 4. B. 3. C.2. D. 1.
Cau 3. Trén doan [0;20187], phuong trinh J3cotx—3=0 c6 bao nhiéu nghiém?

A. 6339, B. 6340. C.2017. D. 2018.

Cau 4. Trong cac phuong trinh sau, phuong trinh nao twong duong vdi phuong trinh 4cos® x=1?
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A. cosx:%. B. sinzx:%. C. cot’ x=3. D. tan’ x=3.
Cau 5. Phuong trinh 4sin® x =3 ¢6 cac nghiém la:
x:%+k7r x=2+k2n
A. ,(keZ). B. ,(keZ).
4 ( © ) 2 ( © )
x=—~+kr x=—+k2m
L 3 L 3
. .
C.|” 3 6,(klcZ). D.|” 3 ,(kleZ).
| x#Ilm | x#ir

Cau 6. Phuong trinh nao sau day vo nghiém:

A. sinx—cosx=4/3. B. sinx:—3.
2
C. \3sin2x—cos2x =1. D. 3sinx+4cosx=35.
Cau 7. Cac nghiém cua phuong trinh sin 2x—~/3c0s2x =0 la:
A x=21kZ ker B. x=2+kZ kel
3 2 6 2
C.x:%+k7z,keZ. D.x:%+k7z,keZ.
Céu 8. V6i gia tri nao ciia tham sé m thi phuong trinh sinx—cosx=m c6 nghiém?
A 2<m<2. B. \2<m<+\2. C.m=0. D. m >+/2 hoic m < —/2.
Cau 9. Vi gia tri nao cia tham so6 m thi phuong trinh msinx —3cosx =5 v nghi€ém?
A. —-4<m<4. B. m >8 hoac m<2.
C. m >4 hoac m < —4. D.m>\/3—4 hoac m<—\/3_4.
Cau 10. Phuong trinh J3sin3x+cos3x=-1 twong duong vdi phuong trinh nao sau day:
A. sin| 3x-Z =—l. B. sin| 3x+ 2 |=-Z.
6 2 6 6
. ) 1 . V4 1
C.sin| 3x+— |=—. D. sin| 3x+— |=——.
6) 2 6 2
Cau 11. V6i gié tri nao ctia tham s6 m thi phuong trinh 5cosx—msinx =m+1 c6 nghiém?
A. VmeR. B. m<12. C. m>12. D. m <24,

Céu 12. Cho phuong trinh msinx—+/1-3mcosx=m—2. Tim m dé phuong trinh c6 nghiém.

A. %Smé& B. méé. C. m>3. D. Khong c6 gia tri nao ctua m.

Cau 13. Phuong trinh sin x—4sinx.cos x+3cos> x =0 ¢o tap nghiém trung vadi tdp nghiém cia phuong
trinh nao sau day?
A. (tanx—1)(tanx+3)=0. B. (tanx+1)(tanx+3)=0.
C. (tanx—1)(tanx—3)=0. D. (tanx+1)(tanx—3)=0.

Cau 14. Phuong trinh sin? x—4sinx.cosx+4cos>x =5 ¢o tap nghiém trung vadi tdp nghiém cia phuong
trinh nao sau day?
A. 2sinx—cosx=0. B. 2sinx+cosx=0. C. 2cosx—sinx=0. D. 2cosx+sinx=0.

Céu 15. V6i gia tri ndo cta tham sd m thi phuong trinh msin® x+sin2x—cos” x=m—1 ¢6 nghiém?
A. VmeR. B. m>—1. C. m>1. D. m>0.

Céu 16. S vi tri bieu dién cac nghiém cua phuong trinh 6(sinx —cosx)—sinx.cosx+6=0 trén dudng
tron luong giac 1a?
A. 1. B. 2. C.3. D. 4.
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Cau 17. Cho phuong trinh 3(sinx+cosx)+2sin2x+3=0.Dat ¢ = (sinx+cosx), ta dwoc phuong trinh
nao duoi day?
A 2 +3t+2=0. B.2+3r+1=0. C.2*-3t-5=0. D.t*-3t-4=0.

Cau 18. Goi S 1a tap tAt ca cac nghiém cta phuong trinh Vx —x? sin2017x = 0. S6 phan tir cua S 1a:

A. 642. B. 643. C. 644. D. 645.
Cau 19. Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh bac nhat theo sinx va cos x?

A. sin? x+cosx—1=0. B. sin2x—cosx =0.
C. 2sinx+3cosx =1. D. 2cosx+3sin3x=-1.
Cau 20. Trong cac phuong trinh sau, phuong trinh nao c6 nghi¢m?
A. 2cosx—3=0. B. 3sin2x—+/10 =0.
C. cos® x—cosx—6=0. D. 3sinx+4cosx=5.
Cau 21. Phuong trinh 1+cosx+ cos? x+cos3x—sin’ x =0 twong duong véi phuong trinh:
A. cos x(cosx+cos3x)=0. B. cos x(cosx+cos2x)=0.
C. cosx(cosx—cos2x)=0. D. cosx(cosx—cos3x)=0.
Céu 22. S6 nghiém thudc nira khoang {%,6?—0”) cua phuong trinh 2sin 3x(1 —4sin? x) =0 la:
A. 34. B. 40. C.41. D. 46.
Cau 23. S6 vi tri biéu dién cac nghiém cta phuong trinh sinx.cosx=1- sin® x trén duong tron luong
giac 1a?
A.l. B. 2. C.3. D. 4.
Cau 24. Phuong trinh sin 2x+cos? 3x =1 ¢6 céc nghiém la:
T T V4
A|TTSTS kez B.|" "5 . kez
__x = —kﬂ' X = kﬂ'
[x=k2rx o 2
x=—+k—
C. _kzﬂ,keZ. D. 5 5,kelZ.
_x s | x=k2rx
Cau 25. Phuong trinh sin3x+cos2x =1+ 2sinx.cos 2x tuong duong vdi phuong trinh:
A. sinx(2sinx—1)=0. B. sinx(2sinx+1)=0.
C. sinx(sinx—1)=0. D. sinx(sinx+1)=0.
Cau 26. Phuong trinh 2sin x +cotx =1+ 2sin2x tuong duong v4i phuong trinh:
2sinx =—1 2sinx =-1
A | . . : B.| . : :
sinx—cosx—2sinxcosx =0 sinx+cosx—2sinxcosx =0
2sinx=1 2sinx =1
C.| . . . D.| . . .
sinx+cosx—2sinxcosx =0 sinx—cosx—2sinxcosx =0
Cau 27. Phuong trinh sinx+sin 2x + sin 3 =3 tuong duong véi phuong trinh:
cos x +cos2x +cos3x
A. tanx=+/3. B. tan2x =+/3. C. tan3x=+/3. D. tan 6x =+/3.
Céu 28. Goi S 1a tip nghiém ctia phuong trinh cos 2x —sin 2x = 1. Khing dinh nao sau diy ding?
A Zes. B. Zes. c.¥es D. Zes.
4 2 4 4

Céu 29. S nghiém ctia phuong trinh sin 2x++/3c0s2x =+/3 trén khoang (O; %j la:

A. 1. B. 2. C.3. D. 4.
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Cau 30. Tinh téng 7' céc nghiém ctia phuong trinh cos® x—sin2x =~/2 +sin’ x trén khoang (0;27).

A T_77r B. T_217r C. T_llﬂ' D. T_37r
8 8 4 4
Céu 31. Tim nghiém duong nho nhét Xy cua phuong trinh 3sin 3x —~/3 cos9x =1+ 4sin> 3x.
/4 /4 V4 V4
Al xg=—. B. xy=—. C. xg=—. D. xy=—.
72 °718 0724 0" 54

Céu 32. S6 nghiém cua phwong trinh sin 5x + J3cos5x =2sin7x trén khoang (O; %) la:

A. 1. B. 2. C. 3. D. 4.
Cau 33. Goi x, la nghiém am 16n nhat cia phuong trinh sin9x + V3 cos 7x =sin 7x ++/3 cos9x. Ménh dé
nao sau day dang?

A. xy € —1;0 . B.xe —Z,—i C. x) e —E;—E . D.xye —E'—E .
12 6 12 3 6 27 3

Cau 34. Bién dbi phuong trinh cos3x —sinx =+/3 (cos x—sin3x) vé dang sin(ax+b)=sin(cx+d) véi

b, d thudc khoang (—5 Ej Tinh b +d.

A b+d=2. B.b+d=", C.b+d=-2, D.b+d ==
12 4 3 2
R oz 2sin2x+cos2x  , .z A g n
Cau 35. Him s0 y =— cé tat ca bao nhi€u gia tri nguyén?
sin2x—cos2x+3
A. 1. B. 2. C.3. D. 4.

Céu 36. Co bao nhiéu gia tri nguyén cta tham sb m thudc doan [—10;10] dé phuong trinh

sin(x—%j— \/gcos(x—%j =m vO nghiém?
A. 18. B. 19. C. 20. D. 21.
Cau 37. Tim tat ca cac gia tri thyc cta tham s6 m dé phuong trinh cos x +sinx = V2 (m2 + 1) vO nghi¢m.
A. me(—o0;—1)U(1;+0). B. me(—0;0)U(0;+).
C. me(—o0;+0). D. me[-L1].
Céu 38. C6 bao nhiéu gia tri nguyén cta tham s6 m thudc doan [—2018; 2018] dé phuong trinh
(m+1)sin® x—sin 2x+cos2x =0 c6 nghi¢m?
A. 4037. B. 4036. C. 2019. D. 2020.
Cau 39. Hoi trén [O; %), phuong trinh 2sin? x—3sinx+1=0 ¢6 bao nhiéu nghi¢m?
A. 1. B. 2. C.3. D. 4.
Cau 40. Cho phuong trinh cot?3x—3cot3x+2=0. bat ¢ =cot3x, ta duoc phuong trinh nao sau day?

A =3t+2=0.  B.3*-9r+2=0. C.t*-9%+2=0. D.r*—6t+2=0.
Céu 41. Sé nghiém ctia phuong trinh 4sin’ 2x—2(1 +\/§)sin 2x++/2=0 trén (0;77) la:

A. 1. B. 2. C.3. D. 4.
Cau 42. Hoi x = %[ 1a nghiém cta phuong trinh nao sau day?

A. 2sinx—\/§:0. B. 2sinx+\/§=0. C. 2cosx—\/§:0. D. 2cosx+\/§:0.

Céu 43. Sb vi tri biéu dién cac nghiém cua phuong trinh tan(Zx —%j +3=0 trén duong tron lugng
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giac 1a?
A. 1. B. 2. C.3. D. 4.
Cau 44. Hoi trén doan [O; 20187[] , phuong trinh J3cotx—3=0 cé bao nhidu nghiém?
A. 6339. B. 6340. C.2017. D. 2018.
Céu 45. Sb vi tri biéu dién cac nghiém cua phuong trinh 2c0s® x+5cosx+3=0 trén duong tron lugng
giac la:
A. 1. B. 2. C.3. D. 4.
Cau 46. S6 nghiém cua phuong trinh sin® 2x—cos2x+1=0 trén doan [—7[; 47[] la:
A. 2. B. 4. C.6. D. 8.

Cau 47. Tinh tng T tit ca cac nghiém ciia phuong trinh 2sin? %— 3 cos% =0 trén doan [O; 87[].

A. T=0. B. T=4r. C.T=8nr. D. T =16x.
Ciu 48. SO nghiém cta phuong trinh — —(\/5 - I)CO'[)C—(\/§ + 1) =0 trén khoang (O; 7[) la:
sin® x
A. 1. B. 2. C.3. D. 4.

Cau 49. Cho phuong trinh cos x + cos% +1=0. Néu dit ¢ = cosg, ta dugc phuong trinh nao sau day?
A. 27 +1=0. B. 2 +1+1=0. C.2%+1-1=0.  D.-2t*+1=0.
Cau 50. Cho phuong trinh cos 2 (x + %) +4cos (% - xj = % Néu dat ¢ = cos (% - xj , ta dugc phuong

trinh nao sau day?
A.2t2—4t+%=0. B.2t2+4t+%=0. C.—2t2—4t+%:0. D.2t2+4t—%:0.

Cau 51. Tim tt ca cac gia tri thyc cia tham s6 m dé phuong trinh tan x +mcotx =8 c6 nghiém.
A. m>16. B. m<16. C. m<1e. D. m>16.

Céu 52. Tim tat ca cac gid tri thuc ctia tham sé m dé phuong trinh cos 2x—(2m +1) cosx+m+1=0 ¢o
nghiém trén khoang 1;3—7[ .
2 2
A. -1<m<0. B. -1<m<0. C. -1<m<0. D. -1<m<0.
Cau 53. Biét rang khi m = m, thi phuong trinh 2sin’ x—(5m+ 1)sinx+ 2m* +2m=0 co dung 5 nghiém

phan biéc thudc khoang (—%;37[} . Ménh dé nao sau day ding?

A.me —3;—l . B. me —l;l . C. me l;1 . D. me[l;+00).
2 2°2 2

Céu 54. Tim tat ca cac gid tri thuc ctua tham s6 m dé phuong trinh 2cos? 3x +(3 —2m) cos3x+m—-2=0

c6 ding 3 nghiém thudc khoang (—%,%)

A.l<m<?2. B.1<m<2. C.1<m<2. D.1<m<2.
Cau 55. Giai phuong trinh sin? x—(x/g + l)sin x.cosx++/3cos>x=0.

A.x:%+k7r,keZ. B.x:%+k7z,keZ.
x:£+k7z x:£+k2ﬂ'
c.l 3  kez p.] 3 kel
x=Zikn x=2+kor
4 4

Cau 56. Trong cac phuong trinh sau, phuong trinh nao twong duong véi phuong trinh
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sin® x—(\/§+1)sinxcosx+ 3cos® x = \/§

. 1) 3 +1
A. smx(tanx—\/g_J—O. B. (cosx—l)[tanx— \/,J 0.

C. (cosx—l)(tanx—2—x/§):0. D. (coszx—l)(tanx+2+\/§):

Cau 57. Phuong trinh nao dudi day cé tap nghi€m trung voi tap nghi€ém cua phuong trinh

sin® x++/3sinxcosx =1?

A. cosx(cotzx—3):0. B. (sinx—l)(cotx—\/g)zo.

C. sin(x+%j.{tan(x+%j—2—\/§}=O. D. [cos2 [ng_q(tanx_ﬁ):

Cau 58. Cho phuong trinh cos? x—3sinxcosx+1=0. Ménh dé nao sau day sai?
A. x = kx khong la nghiém cta phuong trinh.

B. Néu chia hai vé ctia phwong trinh cho cos’ x thi ta dugc phuong trinh tan® x—3tanx+2 =0.

C. Néu chia hai vé ctia phwong trinh cho sin® x thi ta dugc phuong trinh 2cot? x+3cotx+1=0.
D. Phuong trinh da cho tuong duong vdi phuong trinh cos2x—3sin2x+3 =0.

Cau 59. S6 vi tri biéu dién cic nghiém cua phuong trinh sin? x—4sin xcosx+4cos> x =5 trén duong
tron luong gidc la:

A. 1. B. 2. C. 3. D. 4.
Céu 60. S nghiém ctia phuong trinh cos® x—3sinxcosx+2sin’ x=0 trén khoang (—27[; 27[) la:
A. 2. B. 4. C.6. D. 8.

Céu 61. Co bao nhiéu gia tri nguyén cta tham sé m thudc doan [—10;10] dé phuong trinh

11sin” x +(m—2)sin2x+3cos” x=2 c6 nghiém?

A. 6. B. 15. C. 16. D. 21.
Ciu 62. Tim diéu kién dé phuong trinh asin® x+asinxcosx+bcos’ x=0 véi a 0 c6 nghiém.
A. a>4b. B. a <—4b. C. ﬁ<1 D. 4b<1
a a
Céu 63. Co bao nhiéu gia tri nguyén ctia tham sé m dé phuong trinh sin xcos x —sinx —cosx+m =0 c6
nghi¢m?
A. 1. B. 2. C.3. D. 4.

co gia tri bang:

AL B2 .2 p.+32
2 2 2

Cau 65. Tu phuong trinh 2 (sinx +cos x) =tan x+cot x, ta tim dugc cosx co gia tri bang:

V2 V2

A \ . . 3. . Vd
Cau 64. Tu phuong trinh 1+ sin® x+cos® x = Esm 2x, ta tim dugc cos(x+ —

N
~—

A. 1. B. 1. C. —. D. —.
2 2
Cau 66. Hoi trén doan [O; 20187[] , phuong trinh |sinx—cos x| +4sin2x =1 ¢6 bao nhiéu nghiém?
A. 4037. B. 4036. C. 2018. D. 2019.

Cau 67. Cho x thod man 2sin 2x—3\/€|sinx+cosx|+8 =0. Tinh sin2x.

2

A. sin2x:—l. B. sin2x=———. C. sin2x=l. D. sin2x=—2.
2 2 2 2

Céu 68. Néu (1+sinx)(1+cosx)=2 thi cos(x—%j bang bao nhiéu?
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Cau 69. Tt phuong trinh (1+\/§)(cosx+sin x) —2sinxcos x—+/3—1=0, néu ta dit ¢ =sin x +cosx thi

gia tri cia ¢ nhan dugc la:
A. t =1 hodc ¢t =+2. B.t:Ihoéct:x/g.
C.t=1. D. £ =/3.

Cau 70. Cho x thoa min 6(sinx—cosx)+sinxcosx+6:0. Tinh cos(x+%j.
A. cos x+£ =-1. B. cos x+£ =1.
4 4

C. cos(x+%j=—£. D. cos[x+%j=£.

2 2

Cau 71. Cho x thoa man phuong trinh sin 2x+sinx—cosx =1. Tinh sin (x - %)

A.sin| x=Z =0 hoac sin =21, B. sin| x-Z |=0 hodc sin -z =—2.
4 4 4 4) 2

C. sin| x-Z |=0 hoac sin x=Zl=21. D.sin|x-Z]=0 hodc sin -z =——2.
4 4 4 4 2

CAu 72. Tt phuong trinh 5sin 2x—16(sinx—cos x) +16=0, ta tim dugc sin(x + %J c6 gia tri bang:

a2 B, Y2, c.1. D, +32.
2 2 2
Cau 73. Gia tri 16n nhét, gia tri nho nhét cia ham s6 y =sinx++/3 cosx+1 lan luot 1a M, m. Khi d6
tong M +m bang:
A. 2+4/3. B. -3. C.2. D. 4.
Céu 74. Gia tri 16n nhat, gia tri nho nhat cia ham s6 y = (sinx—cos x)2 +2c0s2x+3sinxcosx lan luot

M, m.Khi d6 tong M +m bang:

A. 2. B. \17. c. 13 D. ﬂ

4 2
Cau 75. Phuong trinh cos? x+cos 2x+cos’ 3x+cos* 4x =2 twong duong véi phuong trinh nao sau
day?
A. sin x.sin 2x.sin4x = 0. B. cosx.cos2x.cos4x =0.
C. cosx.cos2x.cos5x=0. D. sin x.sin2x.sin5x = 0.

Céu 76. S6 nghiém cua phuong trinh cos x(4 cos® x— 3) —4cos2x+3cosx—4=0 trén doan [O; 14] la:

A.2. B. 3. C.4. D. 5.
Cau 77. Cho tam giac ABC, biét COS(B—C) =1. Hoi tam giac ABC c6 dic diém gi?

A. AABC can. B. AABC déu. C. AABC nhon. D. AABC vuong.
Céu 78. Cho tam giac ABC, biét sin(B +C) =1. Hoi tam giac ABC c6 dic diém gi?

A. AABC can. B. AABC déu. C. AABC nhon. D. AABC vuong.
Cau 79. Phuong trinh 2% = ¢ bao nhiéu nghié¢m?

x
A. Vo sdnghiém.  B. 1 nghiém. C. 2 nghi¢m. D. 3 nghiém.
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Cau 80. Cho phuong trinh cos’ (x ~30° ) —sin? (x—SOO) = sin(x + 600) va cac tap sb thyc:

I.x=30"+%120°  11. x=60°+%k120°  111. x =30° +k360° 1V. x=30° + k360"
Chon tra 16i dung vé nghiém cua phuong trinh:

A. Chi [. B. Chi 11. C. 1 valll. D. I valV.

Céau 81. Tong cac nghiém thudc khoang (0;27[) cta phuong trinh sin x.cos3x—sinx+2cos3x—2=0 la:
A. %’T B. 27. C. 4r. D. 0.

Cau 82. Néu (x; y) la nghiém cta phuong trinh X2 —2x sin(xy) +1=0 thi sb cac gia tri cia x la:
Al B. 2. C.3. D. V6 sb.

Cau 83. Cho phuong trinh cos x.cos 7x = cos 3x.cos 5x . Phuong trinh nao dudi day twong duong véi
phuong trinh da cho?
A. sin4x =0. B. sin5x=0. C. cos3x=0. D. cos4x=0.

Céu 84. Phuong trinh nao duéi diy tvong duong phuong trinh 2" cos x.cos 2x.cos 4x...cos 2" x =12
A. sinx=0. B. sinx=sin2"x.  C.sinx=sin2""x. D. sinx=sin2"">x.

Cau 85. Phuong trinh sin3x = cos* x—sin* x co tap nghi€ém trung vai tdp nghiém ctiia phuong trinh nao
sau day?
A. cos2x=sin3x. B. cos2x=-sin3x. C. cos2x=sin2x. D. cos2x=—sin2x.

Cau 86. Phuong trinh nao sau day vo nghiém?

A. \/§Sil’12x—0052)€=2. B. 3sinx+4cosx=35.
C. —/3sinx+cosx =3. D. sinxz%.
" : N Y N 28inx +cos x L
Cau 41. Goi m, M lan luot 1a gia tri nho nhat, gia tri 16n nhat cua ham sé y = al . Gia tri

sinx—cosx+3
cua m+M la:

2 2
A. —. B. ——. C.4. D. 5.
7 7
n e, A s & cosx+2sinx+3
Cau 42. Gi tri 16n nhat cia ham s6 y = bang:

2cosx—sinx+4

2442

A B. 8. C.2. D. 1.
. oy cosx+2sinx+3 .
Cau 43. Gia tri nho nhat cia ham s6 y = - bang:
2cosx—sinx+4
2 1
A, —. B. 0. C. —. D. 1.
11 2
" . A N SR, A, o 1 A 1+sinx
Cau 44. Goi m, M lan luot 1a gia tri nhd nhat va gia tri 16n nhat cia ham s6 y = 2— Gia tri cia
+COosx
m.M bang:
8 5
A. 2. B. 0. C. —. D. ——.
3 8
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PE THI PAI HQC, CAO PANG VA TNPT CAC NAM

1. Bai tap tu luan
Bai 1. (PHA, 2002) Tim nghiém thudc khoang (0;27) ciia phuong trinh
cos3x +sin3x

5| sinx+ -
( 14+2sin2x

j =cos2x+3.
Bai 2. (PHB, 2002) Giai phuong trinh sin® 3x —cos® 4x = sin’ 5x —cos> 6x.
Bai 3. (PHD, 2002) Tim x thugc doan [0;14] nghiém dung ciia phuong trinh:

cos3x—4cos2x+3cosx—4=0.

Bai 4. (DHA, 2003) Gidi phuong trinh cotx —1 = —252% | gin?

+sin

X ——sin2x.
1+tanx 2

Bai 5. (DHB, 2003) Giai phuong trinh cotx —tan x +4sin2x =

sin2x’
\e Y \ .20 X 2 2 X

Bai 6. (DHD, 2003) Giai phuong trinh sin (E_Zj tan” x —cos > =0.

Bai 7. (DHA, 2004) Cho tan giac ABC khong tu, thod man diéu kién
c0s2A4+2+/2 cos B+ 2+/2 cos C =3. Tinh ba gdc cua tam gidc ABC.

Bai 8. (PHB, 2004) Gidi phuong trinh 5sinx—2=3(1-sinx)tan’ x.

Bai 9. (PHD, 2004) Giai phuong trinh (2cosx—1)(2sinx+cosx)=sin2x—sin.x.

Bai 10.(PHA, 2005) Giai phuong trinh cos® 3x cos 2x—cos® x = 0.

Bai 11.(DHB, 2005) Giai phuong trinh 1+ sin x+ cosx +sin2x+cos2x = 0.

3

Bai 12.(PHD, 2005) Giai phuong trinh cos? x+sin? x+ cos (x - %) sin (3x —%) 5 0.

2(0056 x +sin® x) —sin xcosx
\/E—Zsinx

Bai 14.(DHB, 2006) Giai phuong trinh cot x +sin x(l +tan x. tan gj =4,

Bai 13.(PHA, 2006) Giai phuong trinh = 0.

Bai 15.(DHD, 2006) Giai phuong trinh cos3x+cos2x—cosx—1=0.
Bai 16.(PHA, 2007) Giai phuong trinh (1 +sin’ x)cos x+ (1 +cos> x) sin x = 1 +sin 2x.

2
Bai 17.(PHB, 2007) Giai phuong trinh (sin§+ cosgj ++/3cosx=2.

Bai 18.(PHD, 2007) Giai phuong trinh 2 sin? 2x+sin7x—1=sin x.

Bai 19.(DHA, 2008) Giai phuong trinh ! + ! j =4sin (777[— xj.

sinx . 3z
sin| x ———

Bai 20.(PHB, 2008) Giai phuong trinh sin® x—/3 cos® x =sin x.cos? x —/3 sin? x.cos x.
Bai 21.(PHD, 2008) Giai phuong trinh 2sinx (1 +cos 2x) +sin2x =1+2cos x.
Bai 22.(CD, 2008) Giai phuong trinh sin3x— 3 cos3x = 2sin 2x.

(1-2sinx)cosx

Bai 23.(PHA, 2009) Giai phuong trinh ; Y _ 3
(1+2sinx)(1-sinx)

Bai 24.(PHB, 2009) Giai phuong trinh sin x + cos x.sin 2x + J3eos3x=2 (cos 4x +sin’ x).

Bai 25.(PHD, 2009) Giai phuong trinh /3 cos 5x —2sin 3x.cos 2x —sin x = 0.
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Bai 26.(CD, 2009) Giai phuong trinh (1+2sin x)2 cos x =1+sinx +cos x.

(1+sinx+cos2x)sin(x+Zj .
Bai 27.(DHA, 2010) Giai phuong trinh =—=COS X.

1+tanx \/5
Bai 28.(PHB, 2010) Giai phuong trinh (sin 2x+cos 2x) cosx+2cos2x—sinx =0.
Bai 29.(PHD, 2010) Giai phuong trinh sin 2x —cos2x +3sinx —cosx—1=0.

Bai 30.(CD, 2010) Giai phuong trinh 4cos%cos3?x+ 2(8sinx—1)cosx =5.

1+sin2x+cos2x

Bai 31.(PHA, 2011) Giai phuong trinh =+/2 sin x.sin 2x.

1+ cot® x
Bai 32.(DHB, 2011) Giai phuong trinh sin 2x.cos x +sin x.cos x = cos 2x + sin x + cos X.
in2x+2 —sinx—1
Bai 33.(PHD, 2011) Giai phuong trinh S T2C0SXZSMX =1 _
tan x + \/5
Bai 34.(CD, 2011) Giai phuong trinh cos4x+12 sin? x—1=0.
Bai 35.(DHA, 2012) Giai phuong trinh J3sin2x+cos2x =2cosx—1.

Bai 36.(PHB, 2012) Giai phuong trinh 2(cos X++/3sin x) cosx=cosx—+3sinx+1.

Bai 37.(PHD, 2012) Giai phuong trinh sin3x + cos 3x — sin x + cos x = /2 cos 2x.
Bai 38.(CD, 2012) Giai phuong trinh 2 cos2x + sin x = sin 3x.

Bai 39.(PHA, 2013) Giai phuong trinh 1+ tanx = 22 sin (x + %)

Bai 40.(PHB, 2013) Giai phuong trinh sinS5x+ 2c0s x=1.
Bai 41.(DHD, 2013) Giai phuong trinh sin3x+ cos2x —sinx =0.

Bai 42.(CD, 2013) Giai phuong trinh cos (% - xj +sin2x =0.

Bai 43.(DHA, 2014) Giai phuong trinh sin x +4cos x = 2 +sin 2x.
Bai 44.(DHB, 2014) Giai phuong trinh J2 (sin x—2cos x) =2-sin2x.

Bai 45. (2015) Tinh gia tri cta biéu thirc P =(1—-3cos2a)(2+3cos2a), biét sina = %
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Caul.

Cau 3.

Cau 4.

Cau 5.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

ON TAP CHUONG I
MUC PO 1. NHAN BIET
. 2018
Tap xéc dinh cia ham s6 y = — la:
sin x
A._DzR\{kﬂ',keZ}. B.DzR\{O}.
C.DzR\{%Jrk;z,keZ}. D.D=R.
. Tap xac dinh cua ham s6 y =tanx la:
A. D=R\{kr, k e Z}. B. D=R\{k2zx, k e Z}.
Vs Vs
C.D:R\{E+k7z,keZ}. D. D=R\ 5+k27z,keZ}.
Tap xé4c dinh ciia ham s6 y = cot x la:
A. D=R\{kr, ke Z}. B. D=R\{k2x, keZ}.
Vs Vs
C.D=R\{5+k7r,keZ}. D.DzR\{E+k27z,keZ}.
Tap xac dinh ctia ham s y = Cos(2x - 3) la:
3 3 3
A. D=RR. B. D=| —;+o0 |. C.D=|—;+0 |. D. D=R\<—".
2 2 2
Tap xac dinh ciia ham s6 y =sin al . la:
x p—
A.D=R. B. D=R\{1}. C. D =(1;+w). D. D=R\{0}.
) . 1—si
. Didu kién x4c dinh cia ham s y = — " [
COoS X
A.x;«t%—i—kﬂ,keZ. B. x#kr, k eZ.
V4 /4
C.x¢5+k27r,keZ. D.x¢—5+k27r,keZ.
Ham s6 y =sinx tudn hoan véi chu ky:
A7 _B.27. C. 3r. D. 4r.
Ham s6 y = cosx tuan hoan véi chu ky:
A7 ~ B.27. C. 3. D. 4r.
Ham s0 y = tan x tuan hoan véi chu ky:
A. 7. ~ B. 27 C. 3. D. 4r.
Ham s0 y =cotx tuan hoan véi chu ky:
A. 7. B. 2rx. C. 3. D. 4r.
Ham s0 nao sau day nhan truc tung (truc Oy) lam truc doi xing?
A. y =sinx. B. y =cosx. C. y=tanux. D. y =cotx.
Ham s6 nao dudi day 1a ham sb chan?
A. y =sinx. B. y=cosx. C. y=tanux. D. y =cotux.
Ham sd nao dudi ¢y khong phai 1a ham s6 chin?
A. y = x.sinx. B. y =x.cosx. C. y =x.tanx. D. y = x.cotx.

Ham so ndo dudi day la ham s6 khong chan, khong 16?

A. y=x+sinx.
Ham s6 nao dudi day la ham so6 1&?

B. y=x+cosx.

C.

y=Xx-+tanx. D. y =x+cotx.
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COS X

A. y=xsinx. B. y=—5—.C. y=x"+tanx. D.y=x"—cotx.
X

Cau 16. Him s6 y = sin x dong bién trén khoang:

A. (0;7). B.| == |. C. (m2x). p.|-Z.Z
2 2 22
Céu 17. Ham s y =sinx nghich bién trén khoang:
A. (0;7). B.[ 2.7 C. (m27). p.|-Z.Z.
2 2 22
Cau 18. Him sd y = cosx dong bién trén khoang:
3
A. (0;7). B.| L. 22 C. (7;27). p. -2
2 2 22
Céu 19. Him sd y = cosx nghich bién trén khoang:
A. (0;72'). B. £;3_7r ) C (7[;27r) D. —E;E.
2 2 2 2
Céu 20. Ham s6 nao sau day dong bién trén khoang (%, ﬂj?
A. y =sinx. B. y=cosx. C. y=tanx. D. y =cotux.
r 4 3
Cau 21. Ham s0 nao sau day nghich bién trén khoang (%;27[ ?
A. y =sinx. B. y=cosx. C. y=tanux. D. y =cotux.
Cau 22. Xét cac dd thi ham sd sau:
“y A;y
T 7 7 T > m o =z T 3z 27:t
7 2 2 2
(C1) ()

|

/.
—

Hoi trong cac do thi ham s6 trén, do thi nao biéu dién ham s6 y =sinx?

A (C).

Cau 23. Phuong trinh sin x =sina c6 cac nghiém la:

(©)

B. (G,).

kel.

x=r—a+k2x’

{x =a+k2x
A.

A

/z’n

-7

-1

C. (G).
{x:a+k27r
B. R
x=—a+k2x

(&)

D. (C

kel

N a
\.-/ <
;‘1;*\
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x=a+kr x=a+krx
C. , k eZ. D. ,kel.
x=rwr—a+kr x=—a+kr
Cau 24. Phuong trinh cosx = cosa c¢o6 cac nghiém la:
x=a+k2x x=a+k2rx
A. , kel. B. ,kel.
x=rw—a+k2rx x=—a+k2x
x=a+kr x=a+krx
C. , k eZ. D. ,kel.
x=rw—a+kr x=—a+kr
Cau 25. Xét cac dd thi ham sd sau:
Aky A;y
T 7 7 T > m T o 7z T 3z 27:
2 2 2 2 4
(Cy) (C)
ALy ALy
_3 T O 7z T ’ fr[ -n n TE=
2 2 2 2

(©) (&)

Hoi trong cac d thi ham sb trén, d6 thi nao biéu dién ham sb y =cosx?
A (C). B. (C,). C. (G). D. (C,).

Cau 26. Phuong trinh sinx =sina" c6 cac nghiém la:

x=a’+k360° x=a’+k360°
A. ,kel. B. ,kel.
x=180° = +£360° x=-a’+k360°
x=a’+k180°
, kel. D. keZ.

{x o’ +k180°
C.

—180° —r° + k180° x=180" —a° + k180°

Cau 27. Phuong trinh cosx = cosa’ c6 cac nghiém la:

x=a" +k360° x=a’+k360°
A. , ke

, k el. B.
x=180°— " + £360° x=—a’+k360"
x=a"+k180°

o Jr=a 0 4 k180°
x=180" —a° + k180° x=180" - + k180°

Cau 28. Phuong trinh tanx =tana c6 cac nghiém la:
A. x=a+k2x, ke. x=—a+k2x, keZ.

B
C.x=a+knr, kel D. x=—a+kr, kel
Cau 29. Phuong trinh cotx = cota c6 cac nghiém la:

, kel. D. keZ.
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A. x=a+k2x, k eZ. B. x=—a+k2rx, k€.
C.x=a+kr, kel D. x=—a+kr, keZ.
Cau 30. Xét cac dd thi ham sd sau:
Aky A;y
X X
T 7 7 T ’ m T o 7z T 3z o
) 2 2 2
(C) (©)
ALy - y

™ AN AN
: ViR

(©) (&)

2 2 2

Hoi trong cac d6 thi ham s6 trén, do thi ndo biéu dién ham s6 y=cotx?

A (C). B. (). c. (C,). D. (C,).
Cau 31. Phuong trinh tanx = tan (po co cac nghiém la:

A x=0" +k180°, k e Z. B. x=¢" +k360°, k € Z.

C.x=@+kr, kel D. x=¢+k2r, k eZ.
Cau 32. Phuong trinh cotx = cot (po c6 cac nghiém la:

A x=¢" +k180°, k e Z. B. x=¢" +k360°, k € Z.

C.x=@+knr, kel D. x=¢+k2r, ke
Cau 33. Phuong trinh sinx =1 ¢6 cac nghiém la:

A. x=k2r, k eZ. B. x=knr, kel

C.x:%+k7z,keZ. D.x=%+k27z,keZ.
Cau 34. Phuong trinh sinx = —1 ¢6 cac nghiém la:

A. x=krx, kel B.x:%+k2ﬁ,keZ.

c.x=—§+1m,kez. D.x=—%+k27r,keZ.
Cau 35. Phuong trinh sinx = 0 c6 cac nghiém la:

A. x=krx, kel B. x=k2r, keZ.

C.x=§+kﬂ',k€Z. D.x:%+k27r,keZ.

Cau 36. Phuong trinh cosx =1 c6 cac nghiém la:

A. x=kr, kel B. x=k27x, k €.
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C.x:%-l—kﬁ,keZ. D.x:%+k27r,keZ.
Cau 37. Xét cac dd thi ham sd sau:
Aky A;y
T 7 7 T > m T o 7z T 37 27;
2 2 2 2
(C1) (©)
Ty Ty
3 A2 O] I b ’ /Zn - T Tf
2 2 2 2
-1 -1
(C) (Ca)
Hoi trong cac d thi ham sb trén, d6 thi nao biéu dién ham sb y=tanx?
A (C). B. (C,). C. (G). D. (C,).
Cau 38. Phuong trinh cosx =0 c6 cac nghiém la:
A. x=kr, kel B. x=k2x, k €.
Vs V4
C.x:5+k7£,keZ. D.x:5+k27r,keZ.
Cau 39. Phuong trinh cosx = —1 ¢6 cac nghiém la:
A. x=krx, kel B. x=k2r,keZ.
V4
C.x=rn+k2x, kel. D.x:E+k27Z,keZ.
Céau 40. Diéu kién ctia tham s m dé phuong trinh sin x = m c¢6 nghiém la:
A. m>1 hoac m < —1. B. -1<m<1.
C. m2>1 hoac m < —1. D. -1<m<I.
Cau 41. bicu kién ctia tham so6 m d¢€ phuong trinh sinx = m vo6 nghiém la:
A. m>1 hoac m < —1. B. -1<m<I.
C. m2>1 hoac m<—1. D. -1<m<lI.
Céu 42. Diéu kién cua cac hé sé a, b, ¢ dé phuong trinh asinx +bcosx = ¢ c6 nghiém 1a:
A a’+b* >’ B.a’+b>>c". C.a*+b* <. D. o’ +b° <.
CAu 43. Diéu kién cta cac hé sb a, b, ¢ dé phuong trinh asinx +bcosx = ¢ v0 nghiém la:
A.a’+b>>c’. B.a’+b*>c’. C.a’+b° <c’ D. o’ +b> <.
Cau 44. Phuong trinh \/g sinx —cosx =1 twong duong v6i phuong trinh:
. 1 ) 1 ) 1
A. sin x—z =—. B.smn z—x =—. C.sin x—Z =1. D.cos x+£ =—.
6 2 6 2 6 3 2
Cau 45. Phuong trinh nao sau day c6 nghi¢ém?
A. 2sinx—3cosx =1. B. sin2x = 2.
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Cau 46.

Cau 47.

Ciu 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

C.sinx+3cosx=4 D. cosx+3=0.
MUC PO 2. THONG HIEU

. . - -1

Tép xac dinh cuia ham s6 y =+/sinx—1+ cos(x—j la:
X
A. D=R. B.Dz]R\{O}. C.D:[l;+oo). D.D:R\{kﬂ,keZ}.
Ham sé y = tan x + cot x xac dinh khi va chi khi:
A. sinx # 0. B. cosx # 0. C. sin2x # 0. D. cos2x # 0.
. . 1
Ham s0 y =+/2+ 2sinx + ——— xac dinh khi va chi khi:
tanx—1

) cosx#0

A. 2+ 2sinx > 0. B. tanx # 1. C. cosx # 0. D. .
tan x # 1

Goi M ,m lan luot 1a gia tri 16n nhat, gia tri nho nhat ciia ham s6 y = 3sin x — 2. Gid tri ctia

M +m la:
A. 4. B. 0. C. -5. D. 1.

Ao s 1A X g < , . S T n \ \
S6 vi tri biéu dién cac nghiém cia phuong trinh luong giac s1n(3x - Zj =1 trén duong tron

luong giéc la:

A. 1. B. 2. C.3. D. 4.
S6 nghiém ctia phuong trinh cos(% - 4xj =0 trén nira khoang [O; 27[) la:
A. 2. B. 4. C.6. D. 8.
Goi M 1a gia tri 16n nhat cia ham s6 y =5 —cos3x. Khi do, M* + M —2 bang;
A. 40. B. 18. C. 28. D. 38.
Goi m 1a gia tri nhé nhét cta ham s y =5—-cos3x. Khi do, m*+m+1 bﬁng:
A. 21. B. 43. C.31. D. 41.
Tong nghiém am 16n nhat va nghiém dwong nho nhét ciia phuong trinh tan (x + %) = \/g bang:

2 Va R4 T
A ———. B. —. C.—. D. —.

3 3 4 4

Goi x,, X, 1an luot 13 nghiém 4m 16n nhit va nghiém dwong nho nhat ciia phuong trinh

2sin’ x+3cosx—3=0. Gia trj cia x, +x, la:

T V4 V4
A, ——. B. 0. C. —. D. —.
6 6 3
sin(x+76zj+3
Ham s y= o tap xac dinh la:
I—cosx
sin x+£ -3>0 sin x+£ +3>0
6 . B. 6 .
I—cosx>0 I+cosx>0
) V4
C. sm(x+gj¢—3. D. cosx #1.
Ham sd nao sau day tudn hoan v6i chu ki 7 =37 ?
) (2 .
A. y=2cos2x. B. y:sm(g) C. y:sm(?xj. D. y =2simn3x.
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. : V4 3 iy
Cau 58. Ham so y = sm(Zx - Zj —3 dong bién trén khoang nao sau day?

A. (O;Ej. B. (E;zj. C. (£;3—ﬂj. D. (3—7z;7zj.
4 4 2 2 4 4

Cau 59. Nghiém x = % +k2r, k € Z 1a cua phuong trinh:
A. sin(2x+%j20. B. 2cos(x—%j:x/§.

C. 25in(x+%)+1=0. D. cos( )
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