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CHUONG III: CAC SO PAC TRUNG PO XU THE TRUNG TAM CUA MAU SO LIEU GHEP
NHOM

BAI 8: MAU SO LIEU GHEP NHOM

A.TOM TAT KIEN THUC CO BAN CAN NAM
1. GIOI THIEU VE MAU SO LIEU GHEP NHOM

Mau s6 liéu ghép nhom 1a mau s6 liéu cho dudi dang bang tan sb ciia cac nhom so lidu. Mo6i nhém so liéu
1a tdp hop gom cac gia tri cua so liéu dugc ghép nhom theo mdt ti€u chi xac dinh. Nhém s6 1li€u thuong
dugc cho dudi dang [a; b), trong d6 a la dau mut trai, b 1a dau mut phai.

Nhan xét.

- MAu s liéu ghép nhom dugc dung khi ta khong thé thu thap duoc s6 liéu chinh x4c hodc do yéu cAu cua
bai toan ma ta phai biéu dién mau so li¢u dudi dang ghép nhom dé thuan lgi cho vige to chirc, doc va phan
tich sb liéu.

- Trong mot sb truong hop, nhom sb liéu cudi cung c6 thé 14y dau mat bén phai.
Vi du 1. Mau sb liéu sau cho biét phan bd theo dd tudi cua dan sbé Viét Nam nam 2019.
D6 tudi Dudi 15 Tir 15 dén dudi 65 tudi Tir 65 tudi tro 1én
$6 nguoi 23 371882 65 420 451 7 416 651
(Theo: Bdo cédo s liéu téng diéu tra dén s6 ndm 2019)
a) Méu s6 liéu d3 cho c6 13 mau s liéu ghép nhom hay khong?

b) Néu cac nhom va tan sé twong tng. Dan s6 Viét Nam nam 2019 13 bao nhiéu?

Loi giai
a) Mau s liéu d3 cho 1a miu s6 liéu ghép nhom.
b) C6 ba nhém 1a: Dudi 15 tudi, Tir 15 dén dudi 65 tudi, Tir 65 tudi trd 1én.

C6 23371882 nguoi dudi 15 tudi; 65420451 ngudi tir 15 dén dudi 65 tudi va 7416651 nguoi tir 65 tudi
tré 1én.

E€ETCEEYEBD — NI HNIG NYYL ‘AD

Dan s& Viét Nam nam 2019 14 23371882 + 65420451 + 7416651 = 96208984 ngudi.
Luyén tap 1. Cho mau s lidu ghép nhom vé thoi gian (phut) di tir nha dén noi 1am viéc cua cac nhan
vién mdt cong ty nhu sau:

Thoi gian [15; 20) [20;25) [25;30) [30;35) [35;40) [40;45) [45;50)

S6 nhan vién 6 14 25 37 21 13 9
Doc va giai thich miu sé liéu nay.

Loi giai

Mau s6 liéu duoc chia thanh 7 nhém
- C6 6 nhan vién c6 thoi gian di tir nha dén noi lam viéc 1a tir 15 d&én dudi 20 phit
- C6 14 nhén vién c6 thoi gian di tir nha dén noi lam viée 1a tir 20 d&én dudi 25 phat

- C6 25 nhan vién c6 thoi gian di tir nha dén noi 1am viée 1 tir 25 dén dudi 30 phut
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- C6 37 nhén vién c6 thoi gian di tir nha dén noi lam viée 1a tir 30 d&én dudi 35 phat

- C6 21 nhan vién c6 thoi gian di tu nha dén noi lam viéc 1a tir 35 dén dudi 40 phut

- C6 13 nhén vién c6 thoi gian di tir nha dén noi 1am viéc 1a tir 40 d&én dudi 45 phat

- C6 9 nhan vién co thoi gian di tir nha dén noi lam viée 14 tir 45 dén dudi 50 phut

2. GHEP NHOM MAU SO LIEU

Pé chuyén miu s liéu khong ghép nhom sang mau sb lidu ghép nhom, ta 1am nhu sau:
Bude 1. Chia mién gia tri cia mau s6 liéu thanh mot s6 nhom theo tiéu chi cho trude.

Buoce 2. Bém s gia tri cia mau so6 li¢u thuoc moi nhom (tan s6) va lap bang thong ké cho mau so liéu ghép
nhom.

Chuy:
- b6 dai cianhém [a;h)lab-a

- Khong nén chia thanh qué nhi€éu nhém hodc qua it nhém. Cac nhdém khong giao nhau, cdc nhém nén cod
d6 dai nhu nhau va tong d6 dai cac nhom 16n hon khoang bién thién.

Vi du 2. Bang thng ké sau cho biét thoi gian chay (phut) cta 30 van dong vién (VDV) trong mot giai chay
Marathon.

Thoi gian 129 | 130 | 133 | 134 | 135 | 136 | 138 | 141 | 142 | 143 | 144 | 145

sdvev | 12|l 11119 1213]3| 4|5 2]75

“

Hay chuyén mau s6 liéu trén sang mau s6 liéu ghép nhom gém sau nhom cd dd dai bang nhau va bang 3.
Loi giai
Gia tri nho nhét 1a 129 , gi4 tri 16n nhat 1a 145 nén khoang bién thién 1a 145-129=16.

Téng d6 dai cta sdu nhom 1a 18. Dé cho di xung, ta chon dau mut trai cia nhom dau tién 1a 127.5 va
ddu mat phai cia nhom cudi cing 1a 1455 ta dugc cac nhoém 1a  [127,5;130,5),
[130,5;133,5),...,[142,5;145,5). Pém sb gia tri thudc modi nhom, ta c6 mau s6 lidu ghép nhom nhu sau:
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Thoi gian|[127.5; 130,5)[[130,5; 133,5)|[133,5; 136,5)|[136,5; 139,5)|[139,5; 142,5) |[142.5; 145 5)

S6 VBV 3 1 4 3 7 12

Luyén tap 2. Can nang (kg) cua 35 nguoi truong thanh tai mot khu dan cu dugc cho nhu sau:

43 51 47 62 48 40 50 62 53 56 40 48 56 53 50 42 55
52 48 46 45 54 52 50 47 44 54 55 60 63 58 55 60 58 53.

Chuyén mau s6 liéu trén thanh dang ghép nhém, cac nhoém c6 do dai bang nhau, trong d6 ¢6 nhom [40; 45).
Loi gidi
C4n nang [40;45) [45:50) [50;55) 55:60) (60:65)

S6 ngudi 5 7 1 7 5
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Vin dung. Mot cong ty may quan 4o dong phuc hoc sinh cho biét ¢& 4o theo chidu cao ciia hoc sinh dugc
tinh nhu sau:

Chiéu cao (cm) | [150;160) [160; 167) [167; 170) [170; 175) [175; 180)
Co ao S M L XL XXL

Cong ty mudn udc luong ti 18 cac ¢& 4o khi may cho hoc sinh 16p 11 dd do chiéu cao ctia 36 hoc sinh nam
khoi 11 ctia mot trudng va thu duoc mau so lidu sau (don vi la centimét):

160 161 161 162 162 162 163 163 163 164 164 164 164
165 165 165 165 165 166 166 166 166 167 167 168 168
168 168 169 169 170 171 171 172 172 174.

a) Lap bang tan so ghép nhom cua mau so6 li¢u voi cac nhom da cho ¢ bang trén.

b) Cong ty may 500 4o ddng phuc cho hoc sinh 16p 11 thi nén may sb lwong 4o theo mdi cé 1a bao nhiéu
chiéc?

Loi giai

Chiéu cao (cm)  [160;167) [167:170) [170;175)

Sé hoc sinh 22 8 6

b) Ti 1€ hoc sinh mdc vira cd M 1a: (22 :36) x 100=61.11%

“

Ti 1€ hoc sinh mac vira ¢ L 1a: (8 : 36) x 100 =22.22%
Ti 1€ hoc sinh mac vira ¢& XL 1a: (6 : 36) x 100 = 16.67\%
S6 lwong 40 ¢ M nén may la: 61.11% x 500 =306

S6 lwong 4o ¢& L nén may la: 22.22% x 500 =111
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S6 lwong 40 ¢& XL nén may 13: 16.67% x 500 = 83

B. GIAI BAI TAP SACH GIAO KHOA
Bai 3.1. Trong céc mau s6 liéu sau, mau nao 1a mau sd liéu ghép nhém? Poc va gidi thich mau sd liéu
ghép nhom do.

a) Sb tién ma sinh vién chi cho thanh toan cudc dién thoai trong thang.

Sé tién (nghin déng) | [0;50) | [50; 100) | [100; 150) | [150; 200) | [200; 250)
S6 sinh vién 5 12 23 17 3

b) Théng ké nhiét d6 tai mot dia diém trong 40 ngay, ta c6 bang sb liéu sau:

Nhiét d6 (°C) [19; 22) [22; 25) [25; 28) [28; 31)
Sé ngay 7 15 12 6
Loi giai

Ca hai mau s0 liéu déu la mau so liéu ghép nhém
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a) C6 5 sinh vién chi dudi 50 nghin dong cho viéc thanh toan cudc dién thoai trong thang

C6 12 sinh vién chi tir 50 dén dudi 100 nghin ddng cho viée thanh toan cude dién thoai trong thang
C6 23 sinh vién chi tir 100 dén dudi 150 nghin dong cho viéc thanh toan cude dién thoai trong thang
C6 17 sinh vién chi tir 150 dén dudi 200 nghin dong cho viéc thanh toan cude dién thoai trong thang

C6 3 sinh vién chi tir 200 dén dudi 250 nghin ddng cho viée thanh toan cude dién thoai trong thang

Nhu vay, da sb sinh vién chi tir 100 dén dudi 150 nghin dong mdi thang cho cudc dién thoai va co it sinh

vién chi trén 200 nghin ddng cho cudc dién thoai mdi thang

b) C6 7 ngay c6 nhiét 6 tir 19°C dén dudi 22°C

C6 15 ngay co6 nhiét d6 tir 22°C dén dudi 25°C

C6 12 ngay c6 nhiét d6 tir 25°C dén dudi 28°C

C6 6 ngay co6 nhiét do tir 28'C dén dudi 31°C

Bai 3.2. S6 san phdm mot cong nhan 1am duoc trong mot ngay dugc cho nhu sau:

18 256 39 12 54 27 46 25 19 8 36 22

20 19 17 44 5 18 23 28 25 34 46 27 16.
Hay chuyén mau sb liéu sang dang ghép nhom vé6i sau nhom co do dai bang nhau.

Loi giai

Gi4 tri nhé nhat 1a: 5
Gi tri 16n nhat 1a 54
Do d6 khoang bién thién 1a 54 —5 =49
De chia thanh 6 nhom voi d6 dai bang nhau ta lay diém dau mut phai tréi ciia nhom dau tién 13 3 va dau
mut phai cua nhom cudi cung 1a 57 véi @6 dai moi nhém 12 9 .
Ta duoc mau sé liéu ghép nhom nhu sau:

Sé san [3:12) [12:21) [21:30) [30:39) [39:48) [48:57)
pham

S6 cong 2 8 8 2 4 1
nhan

Bai 3.3. Thoi gian ra san (gio) cia mot sb6 cuu cau thu ¢ giai ngoai hang Anh qua cac thoi ki dugc cho
nhu sau:

653 632 609 572 565 535 516 514 508 505 504 504 503 499 496 492.

(Theo: hitps:.//www.premierleague.com/)
Hay chuyén mau sb liéu trén sang dang ghép nhom véi bay nhom co d6 dai bang nhau.
Loi giai

Gi4 tri 16n nhét 1a: 653
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Gi4 tri bé nhat 1a: 492
Khoang bién thién 1a: 653 —492 =161

Dé chia thanh 7 nhém c6 d6 dai bang nhau, ta l1ay diém dau mat trai cia nhom dau tién 1a 492, diém dau
mut phai cia nhém cudi 1a 653 voi @6 dai moi nhom 1a 23

Ta c6 mau so li¢u ghép nhom sau:

Thoi  [492;515) [515538) [538;561) [561;584) [584:607) [607:630) [630:653]

gianra
san
(gio)
S6 cau 9 2 0 2 0 1 2
thu
C.LUYEN TAP
Cau 1: Do dai cua 60 14 duong xi trudng thanh duge cho bang bang phan bé tan sé ghép 16p nhu sau.
SO0 TT | Loép cuado dai (cm) Tan so
1 [10:20) 8
2 [20:30) 18
3 [30:40) 24
) [40:50) 10
Cong 60
Hoi s6 14 ¢6 chiéu dai tir 30cm dén 50cm chiém bao nhiéu phan trim?
A. 509%. B. 56%. C. 56,7%. D. 57%.
Loi giai
Chon C
Ta c6 tan suat cua 16p [30;40) 1a 20100 _ 4.

TAn suit cua 16p [40;50) 14 10x100

~16,7.

Vay s6 14 c¢6 chiéu dai tir 30cm dén 50cm chiém 40%+16,7% =56,7Y%.
Cau2: Khbiluong cua 30 cu khoai tay thu hoach & mot ndng truong dugc théng ké nhu bang sau.

Lop khoi lwong (gam) | Tan so
[70:80) 3
[80:90) 6
[90:100) 12
[100:110) 6
[110:120) 3
Cong 30
Tan suét ghép nhém cua 16p [100;1 10) la.
A. 209%. B. 409%. C. 60%. D. 80%.
Loi giai
Chon A

, 6100
30

Ta c6 tan suat ghép 16p cua 16p [100;110) 1 =209.

Céu 3: Cho céc s6 liéu théng ké ghi trong bang sau

Thanh tich chay 50m cta hoc sinh 16p 10A & trudngng Trung hoc phd théng C (don vi : gidy)

Bén word d¢ va 10i giai vui long Th Zalo: 0834332133
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6,3 6,2 6.5 6.8 6,9 8,2 8,6
6,6 6,7 7,0 7.1 7,2 8,3 8,5
7.4 7.3 7.2 7.1 7.0 8.4 8,1
7,1 7,3 7.5 7.5 7.6 8,7
7.6 7.7 7.8 7,5 77 - 7.8

Bang 1

a) Lap bang phan b tan s6 ghép nhom va bang phan b tan sudt ghép nhém, véi cac nhom

[6,0;6,5);[6,5;7,0);[7,0;7,5);[7,5;8,0);[8,0:8,5);[8,5;9,0].

b) Trong 16p 10A, s6 hoc sinh chay 50m hét tir 7 gidy dén dudi 8,5 gidy chiém bao nhiéu phan tram ?
Giai

a) Tu céac s6 liéu théng ké da cho, ta xac dinh duoc :

Tan sb cua céac 1op

n =2, n,=5 n,=10;

n,=9;, n,=4; ng=3.

Tan suat cta cac 16p

1, =6,06%;  f,~1515%; f,~=30,30%;

fi=27,27%;  f, =12,12%;  f, =9,10%.

Tir d6 ta co bang phéan bé tan s ghép nhoém

Thanh tich chay 50 m cta hoc sinh 16p 10 A & truong Trung hoc phé théng C

()

<

Lép thot gian chay (giay) Téan suat (%) ’E;
=2

[6.0:6.5) 6,06 %
[6,5:7,0) 15,15 o
[7,057.5) 30,30 T
[7,5; 8,0) 27,27 %
[8,0 : 8,5) 12,12 &
[8,5:9,0] ' 9.10 w

Cong 100 (%)

b) 30,30% +27,27%+12,12% = 69,69%.
Tra 101 : 69,69\%.
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BAI 9: CAC SO PAC TRUNG PO XU THE TRUNG TAM

A.TOM TAT KIEN THUC CO BAN CAN NAM
1. SO TRUNG BINH CUA MAU SO LIEU GHEP NHOM

S6 trung binh ctia mau s6 li€u ghép nhém ki hiéu 1a x .

X =

trong 46, n=m, +...+m, lacodmauva x, =

mx, +...+mx,

n

Vi du 1. Tim can nang trung binh cuia hoc sinh 16p 11D cho trong Bang 3.5.

a +a, e e 1A . ,
’T’“ (voi i=1,...,k )la gia tri dai dién cia nhom [ai;am)

Can nang

[40,5; 45.5)

[45,5; 50,5)

[50,5; 55.,5)

[55.5; 60,5)

[60.5; 65,5)

[65,5; 70.5)

Sé hoc sinh

10

-

16

4

2

3

Bang 3.5. Can nang cua hoc sinh lop 11D
Loi giai

Trong moi khoang can néang, gia tri dai dién 1a trung binh cdng ctia gia tri hai dau mut nén ta cé bang sau:

Can nang (kg)
S6 hoc sinh

43 48
10 7

53
16

58
4

63
2

68
3

Tong s hoc sinh 1a 7 =42 . Can ning trung binh ctia hoc sinh 16p 11D 1a

10-43+7-48+16-53+4-58+2-63+3-68
42

“

~51,81(kg).

X =

Luyén tap 1. Tim hiéu thoi gian xem ti vi trong tuan trudc (don vi: gio) cia mot s6 hoc sinh thu duge
két qua sau:

E€ETCEEYEBD — NI HNIG NYYL ‘AD

Thaoi gian (gio) [0; 5) [5;10) [10:15) [15; 20) [20; 25)
S6 hoc sinh 8 16 4 2 2
Tinh thoi gian xem ti vi trung binh trong tuan trudc cta cac ban hoc sinh nay.
Loi giai
Thoi gian (gio) [0;5) [5;10) [10;15) [15;20) [20;25)
S hoc sinh 8 16 4 2 2
Gia tri dai dién 2.5 7.5 12.5 17.5 22.5

Thoi gian xem ti vi trung binh trong tuan trude cia cac ban hoc sinh nay la:

8x2.5+16x7.5+4%x12.5+2x17.5+2x22.5
8+16+4+2+2

X =

=8.4375 (gio)

Y nghia. SO trung binh cua mau so li¢u ghép nhom xap xi cho so trung binh ctiia mau s6 li¢u goc, né cho
biét vi tri trung tdm cia mau so li¢u va c6 thé dung dé dai dién cho mau so liéu.
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2. TRUNG VI CUA MAU SO LIEU GHEP LOP
Pé tinh trung vi ctia mau sb liéu ghép nhom, ta lam nhu sau:

Budc 1. Xéac dinh nhom chira trung vi. Gia sir d6 1a nhom thtr p : [a ,5a p+1) .

n
" (mttm, )

Budc 2. Trungvila M, =a, + -(ap+1—ap),

m,

trong d6 n 1a & mau, m, 1a tn s6 nhom p . Véi p =1, ta quy u6c m +...+m,  =0.

Vi du 2. Thoi gian (phut) truy cp Internet mdi budi tdi cia mot sé hoc sinh duogc cho trong bang sau:

Thoi gian (phat) | [9,5:12,5) | [12,5; 15,5) | [15,5; 18,5) | [18,5; 21,5) | [21,5; 24.5)
Sé hoc sinh 3 12 15 24 2
Tinh trung vi ciia mau sé liéu ghép nhom nay.
Loi giai

CoOmaula n=3+12+15+24+2=56.
Goi x,,...,x, 1a thoi gian vao Internet cia 56 hoc sinh va gia s day nay da dugc sap xép theo thir tir ting

dan.

. . + . . .
Khi @6, trung vi la % . Do 2 gid tri x,,x,, thudc nhom [15,5;18,5) nén nhoém nay chira trung vi.

“

Do d6, p=3;a, =15,5m, =15;m, + m, =3+12=15;a, —a, =3 vatacod

5—6—15

M, =15,5+-2

-3=18,1

Luyén tip 2. Ghi lai tdc d6 bong trong 200 1an giao bong ctia mot van dong vién mon quan vot cho két
qua nhu bang bén. Tinh trung vi ciia mau s6 liéu ghép nhom nay.

E€ETCEEYEBD — NI HNIG NYYL ‘AD

Téc d6 v (km/h) | S6 1an
150 <v <155 18
155 <v <160 28
160 <v <165 35
165<v <170 43
170<v <175 41
175<v <180 35
Loi giai

Codmaula: n=18+28+35+43+43+41+35=200

Ban word d& va 1i giai vui long Ih Zalo: 0834332133 _



(2 BAI GIANG TOAN 11-KNTT V3! CS Q WEB: Toanthaycu.com@

Go1 x,X,...X,, 1a tbc do giao bong cua 200 1an va gia sir diy nay duoc sip xép theo thu tu ting dan. Khi

, Co X T X
do trung vi la %

Do hai gia tri x,,,,X,,, thuoc nhém [165;170) nén nhom nay chira trung vi.

Suyra, p=4;a, =165;m, =43;m, +m, + m; =18+28+35=81;a,—a, =5 vataco

M, =165+—2—x5=167.21
43

Y nghia. Trung vi cua mau so liéu ghép nhém xap xi cho trung vi cia mau so liéu goc, n6 chia mau s6
liéu thanh hai phan, moéi phan chira 50 % gia tri.
Dé tinh t(r phan vi thir nhat @, cua mau so li¢u ghép nhom, trude hét ta xac dinh nhém chua Q,, gid s do

la nhém thit p : [ a,:a,, ). Khi do,

n
" (e,
Q1:ap+ ~(ap+1_ap),

m,

trong do, n 1a ¢c& mau, m, 1a tan s6 nhém p, voi p =1 taquy udc m, +...+m, , =0.

Dé tinh 7 phan vi thir ba Q, cia mau s6 lidu ghép nhom, trude hét ta xac dinh nhém chira 0,.Giasu

dé 1anhom thir p : [a,:a,,, ). Khi dé,

3n

?—(m] +...+mp_1)

Q3=ap+ -(ap+]—ap),
mP

trong do, n la ¢cd mau, m, 1a tan s6 nhom p, v6i p=1 ta quy u6c m, +...+m,  =0.

Tu phan vi thir hai Q, chinh 1a trung vi M.

E€ETCEEYEBD — NI HNIG NYYL ‘AD

Vi du 3. Tim t& phan vi thtr nhét Q, va tir phan vi thir ba Q, clia mau s6 liéu ghép nhom cho trong Vi
du 2.

Loi giai
Cdmaula n=56.

X, tx

T phan vi thir nhat O, 1a 15 Do x,,,x; déuthudc nhém [12,5;15,5) nén nhém nay chira O, .

Do do, p=2;a, =12,5;m, =12;m, =3,a,—a, =3 vataco

3

4
=12,5+ -3=15,25
o 12
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Xy +X

Vi tir phan vi thir ba Q, 1a 2 Do x,,,x,, déuthuoc nhom [18,5;21,5) nén nhom nay chira Q,.

Do do, p=4;a, =18,5;m, =24;m +m, + my =3+12+15=30;a, —a, =3 vataco

356 5,

4
=18,5+—4——.3=20
0, 2

~ , ~ , 2 . , , , ~ . , Y 4 , , r-n .
Nhan xét. Ta cling c6 thé xac dinh nhém chura tr phan vi thit » nho tinh chat: c6 khoang (Tj gia tri

nho hon tr phén vi nay.

Luyén tap 3. Tim t& phan vi thir nhét va t&r phan vi thir ba cho mau s6 liéu ghép nhom & Luyén tap 2.

Téc d6 v (km/h) | S6lan
150 <v <155 18
155 <v <160 28
160 <v <165 35
165<v <170 43
170<v <175 41
175 <v <180 35

Loi giai

C& mau: n =200

“

X5y +

T phan vi thir nhat O, 1a Txﬂ .Do x,;x;, déu thuoc nhom [160;165) nén t phan vi thir nhat

thugc nhom [160;165). Do do, p =3;a, =160;m, =35;m, +m, =18+28=46;a, —a, =5 va ta co:

20,

0, =160+4T><5=160.57
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+
T phén vi thit ba O, 1a %

.Do x5, X5, déu thudc nhém [170;175) nén tir phan vi thir ba thudc
nhém [170;175). Do do,

p=5a,=170;m, =41;m +m, +m, +m, =18+28+35+43 =124;a, —a, =5

va ta co:

00 _ 154

0, =170+4T><5=173.17

Y nghia. Cac tir phan vi cua mau s6 li¢u ghép nhom xap xi cho céc tr phan vi ctia mau so liéu goc, chiing
chia mau so liéu thanh 4 phan, moi phan chira 25% gia tri.

4.MOT CUA MAU SO LIEU GHEP NHOM
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Pé tim mot ctia mau so lidu ghép nhom, ta thuc hién theo cac budc sau:
Buoc 1. Xéac dinh nhom c¢6 tan s6 16n nhat (goi 1a nhdém chira mot), gia str 1a nhém j: [a a j+l)

’ J4 , . N mj - mjf1
Bucc 2. Mot dugce xac dinh la: M, =a it -h

(mj—mj71)+ mj —ij)

trong d6 m; la tn s6 ctia nhom j (quy wdc m, =m,,, =0 ) va h la d¢ dai cia nhom.
Luuy.

- Nguoi ta chi dinh nghia mét cho mau ghép nhom c6 d6 dai cac nhém bang nhau. Mot mau cé thé khong
¢6 mot hodc c6 nhiéu hon mdt mot.

- Khi tan so ctia cac nhém so li€éu bang nhau thi mau so6 liéu ghép nhém khéng c6 mot.

Vi du 4. Bang s6 liéu ghép nhom sau cho biét chiéu cao (cm) cua 50 hoc sinh 16p 11A.

Khoang chiéu cao (cm) | [145; 150) | [150; 155) | [155; 160) | [160; 165) | [165; 170)
Sé hoc sinh 7 14 10 10 9

Tinh mét cia mau s6 liéu ghép nhom nay. Co thé két luan gi tir gia trj tinh duoc?

Loi giai
Tan sb 16n nhét 1a 14 nén nhom chira mot 1a nhom [150; 155). Ta co, j=2,a, =150,m, =14,
m, =7,m; =10,h=5.Do do

“

14-7

M, =150+ :
(14—-7)+(14-10)

5~153,18.

S6 hoc sinh c6 chiéu cao khoang 153,18cm 13 nhiéu nhét.

Luyén tap 3. Thoi gian (phut) d hoc sinh hoan thanh mét cau hoi thi dwgc cho nhu sau:
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Théi gian (phat) | [0.5; 10,5) | [10,5; 20,5) | [20.5; 30,5) | [30.5; 40,5) | [40.5: 50,5)
Sé hoc sinh 2 10 6 4 3

Tim mdt ciia mau s6 liéu ghép nhom nay.
Loi giai
Tan sb 16n nhit 13 10 nén nhém chira mdt 13 nhom [10.5; 20.5] . Ta co,
j=2,a,=10.5,m, =10,m, =2;m, = 6,h =10.
10-2

Do dé: M, =10.5+ x10=17.16
(10-2)+(10—6)

Y nghia. M6t cua mau so li¢u ghép nhom xap xi cho mot ciia mau so liéu goc, n6 dugc dung dé do xu thé
trung tdm ctia mau so liéu.

Vén dung: Hay tinh cac sé ddc trung cho mau sb liéu trong Bang 3.1 va giai thich ¥ nghia cua céc gia tri
thu duoc.

Ban word d& va 1i giai vui long Ih Zalo: 0834332133



(2 BAI GIANG TOAN 11-KNTT V3! CS Q@ WEB: Toanthaycu.com@

Mot cira hang da ghi lai s tién ban xing cho 35 khach hang di xe may. Mau s liéu gbc co dang:
X, X,,..., X35 trong d6 x, 14 sb tién ban xang cho khach hang thir i . Vi mot li do nao dé, ctra hang chi c6

mau s6 liéu ghép nhom dang sau:

Sé tién (nghin déng) [0; 30) [30; 60) [60; 90) [90; 120)
S6é khach hang 3 15 10 7

Bang 3.1. So tién khach hang mua xang

Loi giai

Sé tién (nghin ~ [0:30) [30:60) [60:90) [90:120)

déng)

S6 khach hang 3 15 10 7
Gia tri dai dién 15 45 75 105

S6 trung binh l: ¥ = 3x15+15x45+10x75+7x105 _

3+15+10+7

63

Coémaula: n=3+15+10+7 =35

Y nghia: Xap xi bang so trung binh ctia mau so li¢u goc, cho biét vi tri trung tdm cua mau s6 li€u va dai
dién cho mau so liéu

Trung vi la x4 thugc nhoém [30;60), do do p =2;a, =30;m, =15;m, =3,a, —a, =30

“

23

vatacod: M, =30+ 215 x30 =59

Y nghia: Xap xi bang trung vi ciia mau so liéu gbc, chia mau sd liéu thanh 2 phan , mdi phan chira 50%
gia tri
T phan vi thir nhét 0, 1a x, thugc nhom [30;60), do d6 p =2;a, =30;m, =15;m, =3;a, —a, =30 vata

>3

co: 0, =30+ 415 x30=41.5
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Y nghia: Cé 25% sd gia tri nho hon 41.5
Tu phén vi thir ba O, 1a x,, thugc nhom [60;90),
dodo p=3;a,=60;m, =10;m, +m, =3+15=18;a, —a, =30 vataco:

3><35_18
0, =30+4T><30=54.75

Y nghia: C6 75% sb gia tri nho hon 54.75%

Tan sb 16n nhit 1a 15 nén mdt thude nhoém [30;60). Ta co,
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Jj=25a, =30;m, =15;m, =3;m, =10;h =30,
15-3

dodo: M, =30+
(15-3)+(15-10)

x30=51.18

Y nghia: Xap xi bang mot ctia mau so li€u goc, duoc dung dé do xu thé trung tdm ctiia mau so liéu

B. GIAI BAI TAP SACH GIAO KHOA
Bai 3.4. Quing dudng ( km) tir nha d&én noi 1am viéc cua 40 cong nhan mot nha may dugc ghi lai nhu

sau:

53 10 20 256 11 13 7 12 31 19 10 12 17 18 11 32 17 16 2
797 8 3512 15 18 3 12 14 2 9 6 15 15 7 6 12

a) Ghép nhom day sd liéu trén thanh cac khoang c6 d6 rong bang nhau, khoang dau tién 1a [0;5) . Tim gia
tri dai dién cho mdi nhom.

b) Tinh s trung binh cia mau s liéu khéng ghép nhoém va mau sé liéu ghép nhom. Gid tri nao chinh xéac
hon?

¢) Xéac dinh nhém chira mdt ciia mau sd liéu ghép nhom thu duoc.
Loi giai
a)

Quéng [0:5)
dudng
(km)

5:10) (10;15)  [15:20)  [20;25)  [25:30)  [30;35)

Sbé céng 6 10 " 9 1 1 2
nhan

Gia tri dai 25 75 125 175 225 275 325
dién
b) Vi mau sb liéu khong ghép nhom:
X=(05+3+10+20+254+11+13+7+124+31+19+10+12+17+18+11+32+17+16+2+7+9+
T+8+3+5+12+15+18+3+12+14+2+9+6+15+15+7+6+12): 40=11.9

— 25x6+7.5x10+12.5x11+17.5x9+22.5+27.5+32.5x2

Véi miu sb liéu ghép nhom: X = 20 =125

S trung binh cia mau s6 lidu khong ghép nhom chinh xac hon
c) 11 1a tan s 16n nhéat nén nhém chwa mét 1a [10;15)

Bai 3.5. Tubi tho (nim) cua 50 binh dc quy 6 t6 dugc cho nhu sau:

Tuéi tho (ném) | [2;2.5) [2,5: 3) [3;3.5) [3.5; 4) [4,45) | [45:5)

Tan sb 4 9 14 1 7 5

a) Xac dinh mot va giai thich y nghia.

b) Tinh tudi tho trung binh cta 50 binh dc quy 6 to ndy.

“
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Loi giai
a) 14 1 tan s6 16n nhat nén mét thuoe nhom [3;3.5), tacé j=3,a, =3,m, =14,m, =9,m, =11,h=0.5

14-9

Do do: M, =3+ x0.5=3.31
(14-9)+(14-11)
b)
Tudi tho [2;2.5) [2.5:3) [3:3.5) [3.5:4) [4:4.5) [4.5:5)
(nam)
Tén sb 4 9 14 11 7 5
Gia tri dai 2.25 2.75 3.25 3.75 425 4.75
dién
Tudi tho trung binh: ¥ = 4%x2.25+9%2.75+14%x3.25+11x3.75+7%x4.25+5%4.75 ~3.48

50

Bai 3.6. Diém thi mon Toan (thang diém 100 , diém duoc 1am tron dén 1) cua 60 thi sinh dugc cho trong
bang sau:

Diém 0-9 10-19 20-29 30-39 40- 49
S6 thi sinh 1 2 4 6 15
Diém 50- 59 60 - 69 70-79 80-89 90-99
S6 thi sinh 12 10 6 3 1

“

a) Hiéu chinh dé thu duoc miu s6 liéu ghép nhom dang Bang 3.2.
b) Tim céc tr phan vi va giai thich y nghia cua chung.
Loi giai
a)
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Piém [0;10) [10;20) [20;30) [30;40) [40;50) [50;60) [60;70) [70:80) [80;90) [90;100)
Sé thi 1 2 4 6 15 12 10 6 3 1
sinh

b) C& mau n = 60

Xis + X6

T phan vi thir nhat O, 1a .Do x,,,x, déuthuoc nhom [40;50) nén nhém nay chira Q, .

Do do, p=5;a,=40,m, =15, m } + m, + my + m, =1+2+4+6=13,4
4a,—a; =10 vata co:

@—13

0, =40+ 415 x10=41.33
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Y nghia: C6 25% sd gia tri nho hon 41.3

+ X5

T phén vi thir hai tic M, 1a I 51 po X, Xy, déu thudc nhom [50;60) nén nhoém nay chira M,.

Do do, p=6;a, =50,m; =12 m +m,+m;+m, +m, =1+2+4+6+15=28 a,—a, =10 vataco:

00 2

M, =50+-2—x10=51.67

Y nghia: C6 50% s gié tri nho hon 51.67

X5+ Xy

T@ phan vi thirba O, 1a .Do x,5,x,, déu thugc nhom [60;70) nén nhém nay chira Q, .

Do do, p="7;a,=60,m, =10 m, +m,+m;+m, +m;+m, =1+2+4+6+15+12=40 g, —a, =10 va ta
co:
604><3_40
=60+ ——x10=065
O, 10

Y nghia: Cé 75% sb gia tri nho hon 65

+X

TG phan vi thi hai tre M, 1a =TT 5T X, X, déu thudc nhém [50;60) nén nhoém nay chira M, .

Do do, p=6;a, =50,m, =12

m+m,+my;+m,+m; =1+2+4+6+15=28
a,—a, =10 vata co:

604><3_40
=60+—4 _—x10=65
0O, 10

E€ETCEEYEBD — NI HNIG NYYL ‘AD

Y nghia: Cé 75% sb gia tri nho hon 65

Bai 3.7. Phong van mot s hoc sinh khoi 11 vé thoi gian (gid) ngli ciia mot budi tdi, thu dugc bang sb
liéu o bén.

a) So sanh thoi gian ngu trung binh cua cac ban hoc sinh nam va nir.

b) Hay cho biét 75% hoc sinh khéi 11 ngu it nhat bao nhiéu gio?
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Thoi gian| Sé hoc sinh | S6 hoc sinh
nam ndr
(4. 5) 6 4
[5: 6) 10 8
[6:7) 13 10
(7. 8) 9 1"
[8: 9) 7 8
Loi giai
a)
Thoi gian Gia tri dai dién S6 hoc sinh nam S6 hoc sinh ni
[4:5) 4.5 6 4
[5:6) 5.5 10 8
(6:7) 6.5 13 10
(7:8) 7.5 9 1"
(8:9) 8.5 7 8
Thoi gian ngu trung binh cta cac ban nam x,,, = 4:5x6+5.5 ><61i) ;_064_51; 139++77'5 X9+8.5x7 _ 6.52 f
Thoi gian gt trung binh cila cdc ban nit X, = 4.5x44+55x8+6.5x10+7.5x114+8.5x8 _6.77

4+8+10+11+8
6.77 > 6.52. Nhu vay thoi gian ngi trung binh cta cac ban nit nhiéu hon cac ban nam

b) C& mau n =86
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Xy +X

T phan vi thir nhat Q, 14 =2-~2_ Do x,,,x,, déu thuoc nhém [5;6) nén nhém nay chira Q,. Do do,

p=2,a,=5m,=18m =10,a,—a, =1 vataco:

Vay 75% hoc sinh khdi 11 nga it nhat 5.64 gio
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BAI TAP CUOI CHUONG 3

A. TRAC NGHIEM
Khao sat thoi gian tap thé duc trong ngdy ctia mot sd hoc sinh khéi 11 thu dwge mau sb liéu ghép nhom
sau:

Thoi gian (phut) [0; 20) [20; 40) [40; 60) [60; 80) [80; 100)
Sé hoc sinh 5 9 12 10 6

=] 26

L.-t-”"_i".-' 3.0

Cau 3.8: Gia tri dai dién cua nhém [20;40) 1a

A. 10. B. 20. C. 30. D. 40.
Loi giai
Chon C
Céu 3.9: Mau s6 liéu ghép nhom nay c6 s6 mot 1a
A. 0. B. 1. C.2. D. 3.
Loi giai
Chon B

Vi day 1a miu sb lidu ghép nhom va tin sé cac nhom khac nhau nén c6 1 mbt
Cau 3.10:Nhém chira mét cia mau s6 lidu nay 1a
A. [20;40). B. [40;60). C. [60;80). D. [80;100)
Loi gidi
Chon B
Tan sb ciia nhom [40;60) 16n nhit (=12) nén mét thuéc nhom [40;60)

“

Céu 3.11:Nhom chira tir phan vi thir nhat 13
A. [0;20). B. [20;40). C. [40;60). D. [60;80).
Loi giai
Chon B
Comau n=42.

. £ . Xy T X,
T phén vi thu nhat Q, 1a =11,
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Do x,,,x,, déu thuoc nhom [20;40) nén nhém nay chira Q,

Cau 3.12:Nhom chtra trung vi la
A. [0;200). B. [20;40). C. [40;60). D. [60;80).
Loi giai
Chon C
Co mau n=42

. L Xy X
Trung vi M, la =22

.Do x,,,x,, déu thudc nhom [40;60) nén nhém nay chira trung vi
B. TU LUAN

Bai 3.13. Co cdu dan sb Viét Nam nam 2020 theo dd tudi duoc cho trong bang sau:
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D4 tudi

Dudi 5 tudi

5-14

15- 24

25-64

Trén 65

Sé ngudi (triéu)

7,89

14,68

13,32

53,78

7,66

(Theo: http//ourworldindata.org)

Chon 80 la giéa tri dai di¢n cho nhom trén 65 tudi. Tinh tudi trung binh cuia nguoi Viét Nam nam 2020.

Loi gidi
Do tudi Duéi 5 tubi 5-14 15-24 25-64 Trén 65
S6 ngudi 7.89 14.68 13.32 53.78 7.66
(triéu)
Gia tri dai dién 25 9.5 19.5 445 80
Tubi trung binh ctia ngudi Viét Nam nam 2020:
o 7.89%x2.5+14.68x9.5+13.32x19.5+53.78x44.5+7.66x80 35
7.89+14.68+13.32+53.78+7.66
Bai 3.14. Nguoi ta ghi lai tudi tho ctia mot s6 con ong cho két qua nhu sau:
Tubi tho (ngay) [0; 20) [20; 40) [40; 60) [60; 80) [80; 100)
Sé luvgng 5 12 23 31 29

Tim mot cua mau so li¢u. Giai thich y nghia ctia gia tri nhan dugc.

Tan sb 16n nhit 1a 31 nén nhém chira mot 1a [60;80). Ta co:

j:4aa4 :60am4 :31,77’13 :23,77’15 :29,h:20.

31-23 §
(31-23)+(31-29)

Do d6 M, =60+

20=76

“

Loi giai
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Y nghia: Pa sb cac con ong c6 tudi tho 1a 76 ngay

Bai 3.15. Mot bang xép hang d tinh diém chuan hoa cho chi s6 nghién ctru ciia mot sd truong dai hoc &

Viét Nam va thu dugc két qua sau:

Diém Dudi 20 | [20; 30)

[30; 40) | [40;60) | [60;80) | [80; 100)

Sé truong 4 19

6 2 3 1

Xac dinh diém ngudng dé dua ra danh sach 25% truong dai hoc cé chi ) nghién cuu t6t nhat Viét Nam.

Loi giai
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Diém ngudng dé dua ra danh sach 25% trudng dai hoc co chi sb nghién ctru tot nhat Viét Nam 1a tr phan
vi thir ba

Ta c6: cod mau n =35

Ta phan vi tht ba O, la x,, ma x,, thuoc nhéom [30;40) nén nhém nay chira Q,. Do do,
p=3,a,=30,m,=6,m +m,=4+19=23,a, —a, =10 va ta co:

3%x35 _ 23
0, =3o+4T><10=35.42

Vay dé dua ra danh sach 25% truong dai hoc c6 chi s6 nghién ciru tot nhat Viét Nam ta ldy cac truong c6
diém chuan hoa trén 35.42

“
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