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M Dang (1): Nguyén ham theo dinh nghia va tinh chit co ban
Y. Phuong phdp:

®. Dinh nghia: Ham s6 F(x) dugdc goi la nguyén ham ctia ham s6 f(x) trén K néu
F'(x) = f(x) vGi moi z thuoc K .
®. Tinh chét:

Ofl:f(x)ig(x)]dx: ff(x)ifg(x)dx .

o Jif (x)ax=k[ f(x)dx,VkeR = [[k.f(x)+Lg(x)]dx=k]f(x)dx+1]g(x)dx.

o (17 (x)dx) = f(x)+C.
©. Bang nguyén ham:

odx=x+C » [kdx=he+C
a+l a+l
o[ xdi=2—+C(ar-1 . « —l—(karb) “ -
Zx ot Cla=-) f(hos + )" div ==+ C(a # 1)
[ S =|x|+C T S S SN
c)icx kx+b k
1 dx
| —_—_—_4+(C | —
I 5= I\/;_lehc
* [sin xdx = —cosx+C - [sin(kx + )y =~ cos(kx +b) + C
* [ cosxdx =sinx+C k
o | 12 dx =tan x + C . fcos(kx+b)dx%sin(kx+b)+C
COS X
°f(1+tan2x)dx=tanx+C . J‘Z;dx=ltan(kx+b)+c
. cos” (kx+b) k
. dx =—cotx+C 1 1 :
ISiIlZ.x g cor " fmdx=—gcot(ioc+b)+c
° f(1+cot2x)dx=—cotx+C
ofedr=e¢"+C . Ieh'+hdx=lekx+b+c
elatdv="1+C(0<a=1) L gt
Ina . faf‘“bdx:—l +C(0<a=1)
na

% Phwong phdp: Casio.

¢+ Xét hieu: Nhan shift %(F (X)), —f(x)=0

¢+ Calc x=2.5hay x=3,....di(F(x))x_k — f(x)~ 0 la ménh deé dang.
x =0

g J
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U A - Bai tap minh hoa:
1

Cau 1: Tat ca nguyen ham ctia ham s6 f (x)= 1a
2X+3
1 1
®. >Inf2x+3+C. ®. >In(2x+3)+C.
©. Inj2x+3/+C. ®. %In|2x+3|+c.
n
Loi giai PP nhanh tric nghiém
SChon A ® Casio:
1 1. 1 M BB n
f(x)dx = dx == d(2x+3 il2x+3D )|, ~zars
. J10gd= [ mg =5 5 50(2x ) 12x+3D )| ., ~2z+3
:%In|2x+3|+C
Calc: z= 2.5
4 F" i
L FInU2x+3D )|
0
Luu y: Gap In thi c6 tri tuyeét doi, rat dé chon
nham dap an B

Cau 2: Cau 2: Néu [ f(x)dx=4x*+x*+C thihamso f(x) biing

3

®. f(x)=x"++Cx. ®. f(x)=12x*+2x+C.
3
3
@.f(x):12x2+2x. ®. f(x):x4+%.
Loi giai PP nhanh tric nghiém
2Chon B ® Thit dao ham
® Taco: ® Casio

¥o* B A

f (x):(j f (x)dx), =(4x3 +x2 +C)’ =12x% +2X di;:( Ax a2 )|x=:c —12xk

0

Cht ¥ dé chon nham cau B

Cau 3: Cho hams6 f(x) c6 f'(x) v6i moi X ;t% va f(1)=1.Khi d6 gid tri ctia f(5) bing

N 2x-1

®A. In2. ®.In3. ©.In2+1. ®. In3+1.
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Lai giai
@Chon D

PP nhanh triac nghiém
©. Tu duy Casio

® Taco: If'(x)dX: f (x)+C nén

F(x)dx = f (5)- (1)

P e U1

f(x):J‘de:ljd(Ll) In[2x-1]+C .
2x-1 27 2x-1 ,
= f(5)= ()+If (x)dx = 1+If (x)dx
oMt khac theo dé ra ta co: f(l)=1 1
@%In|2.1—1|+C=1©C:1 nen ®. Tong quit:
b
f(x):%ln|2x—l|+l jf’(x)dx: f(b)-f(a)
b

®Do vay =ef(b)= f(a)+jf'(x)dx;
f(5)=%In|2.5—]4+1=%|n9+1=In3+1 .

o f(a)=f(b)—] f'(x)x

% B - Bai tap rén luyén:

Cau 1: Khang dinh nao sau day la sai?
@. Néu [ f(x)dx=F(x)+C thi [ f (u)du=F(u)+C.
®. Tk (x)dx=k[ f(x)dx (k 1ahiings6 va k=0).
©. Néu F(x) va G(x) déulanguyen ham ctia ham s6 f (x) thi F(x)=G(x).
O©. J[H(x)+f,(x)]dx =1 £, (x)dx+] f,(x)dx.
Cau 2: Ham s6 nao sau day khong phai 1a nguyén ham ctia ham s6 f(x)=(x—3)4?
(x=3) (x=3)
®. F(x)=T+x. ®. F(x)= e
5 5
©. F(x)=(x_53) +2020. ©®. F(x)= %—1.
Cau 3: Trong cac khing dinh sau, khdng dinh nao sai?
®. [0dx=C (C 1a hiing s5). ®. I%dx:ln|x|+C (C 13 hiing s5).
a+l
©.[x“dx = X+ +C (C lahing sb). ©. Jdx=x+C (C 1a hing sb).
a
Cau 4: Cho hai ham s6 f (x), g(x) 1a ham s6 lién tuc. Xét cdc meénh dé sau:
(@). k.Jf(x )dx:iff(x)dx véi k 1a hing s6 thuc khac 0 bat k.
(I0). [[ f (x)-g(x)]dx =] (x)dx—[g(x)dx
(). J[ £ (x).g(x)]dx=]f (x dxjg( )dx
(Iv). [ £'(x )dx_f( )+C.
S6 menh dé dang 13
®. 1. ®. 2. ©. 3. ®. 4 .
Cau 5: Chohamsd f(X) xdc dinh tren K va F(x), G(x) la nguyén ham ctia f(x) tréen K. Khing

dinh nao duéi day dang?

St-bs: Duong Hung 4




Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

®. G(x)=F(x), vxeK. ®. G(x)=f'(x), vxeK.
©.F(x):G(x)+C,VXGK. O. F'(x)=f'(x), vxeK.

Cau 6: Menh dé nao sau day sai?
®. Néu F (x) 1a mot nguyén ham ctia f (x) trén (a;b) va C la hing s6 thi
I f(x)dx=F(x)+C

®. Moi ham sb lien tuc tren (a;b) déu c6 nguyen ham tren (a;b).
©. F (X) 14 mot nguyén ham cua f (X) trén (a;b) < F (X) =f (X), VX e(a;b)

©. ([t(xd) =1(x)

Cau 7: Ham sb f(X)z

c6 nguyén ham trén:

COS X
®. (0:7) ®. [_Mj ©. (m27) ©. [—M}
2 2 2 2
Cau 8: Ham s0 nao sau day khong phéi la nguyén ham ctia ham s6 f (x)=(x —3)4 ?
5 5
®. F(X):(x—53) +X ®. F(X):(x—53)
5 5
©. F(x):(x_:) +2017 ®. F(x):(X;S) 1

Cau 9: Hamso F(x)= e 1a mot nguyen ham ctia ham s6

®. f(x):ex3 ®. f(x):3x2.exs

©. f(x):gxz O. f(x)=x*e""
3
Cau 10: Néu jf(x)dx:%+ex+c thi f(x) bang
4
®. f(x):%+eX ®. f(x)=3x"+¢"
4
©. f(x)=i(—2+eX @. f(x)=x*+e"
Cau 11: Tim nguyén ham ctia ham s f(X):X3+§
4
®. J‘f(x)dx:3x2+%+c. .If(x)dx:%+lnx+c.
4
©.jf(x)dx:3x2—x—g+c. ®. If(x)dx:xj+ln|x|+C.

Cau 12: Trong cac khing dinh sau, khédng dinh nao sai?

e+l

®. J.COSZXdX=15in2X+C. ®. Ixedx:x +C
2 e+1
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e+l
©..[ldx:ln|x|+C. . jxedx=X +C
X x+1
Cau 13: Ho nguyén ham ctia ham s6 f(X)=3X2+SinX la
®. x®*+cosx+C. ®. 6x+cosx+C.
©.x¥—cosx+C. ©. 6x—cosx+C.
Cau 14: Téat cd nguyén ham ctia ham sé f (x)= ! g
2X+3
®. 1In 2x+3[+C. ®. lIn 2x+3)+C.
2 2
©.In|2x+3+C. ) %In|2x+3|+c.
n

Cau 15: Gid sit cac biéu thitc sau déu c6 nghia cong thitc nao sau day sai?

) Icoszxdx:tanx+c. . Iexdx=eX+C.

©.j|nxdx=1+c. ®. jsinxdx:—cosx+C.
X

Cau 16: Ho nguyéen ham clia ham s6 f (x)=e*+x* la

2X 3

. F(x)=—+—+C. . F(x)=e"+x’+C.
@ 92 ); 2% . U3

3

©.F(x)=2e*+2x+C. O. F(x):e2X+X€+C.

Cau 17: Nguyén ham ctia ham s6 f (x)=x°+3x+2 1a ham s6 ndo trong cac ham s6 sau ?

4
®B. F(x)=3x2+3x+C. ®. F(x =X 32 42x4C .
3
s 2 42
©.F(x):%+%+2x+c. D. F(x):%+%+2x+c.

Cau 18: Ho nguyén ham ctia ham s6 f(X) =e*(3+e7) 1a
®. F(x):3ex—ix+C. ®. F(x)=3e*—x+C.
e

©.F(x)=3¢* +e*Ine* +C. O. F(x)=3"+x+C.

Cau 19: Ho nguyén ham ctiaham sé f (x)=e*+cosx la

@). e —sinx+C . ®. ie”1+sinx+C.
X+1
©.xe** —sinx+C. ®. e*+sinx+C.
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Cau 20: Nguyén ham ctiahamsé f x =x+3" 13

2 X X
® Fx=X+3 ¢ ®. Fx =1+>+cC.

2 1In3 In3

X2 X2
©.F x :?+3X+c. O. F x =2-+3In3+C.
1.C 2.A 3.C 4.B 5.C 6.D 7.D 8.D 9.A 10.C
11.D 12.D 13.C 14.A 15.C 16.A 17.C 18.D 19.D 20.A
—~ M Dang 2: Tim nguyén ham ciia ham s6 théa mén diéu kién cho truée
)

®-Phuong phap:

*Tim nguyén ham F(x) .
*Thé diéu kien F(x,)=k tim hingsb C

e K&t luan cho bai toan.

.

L X4c dinh F(x) 1a mot nguyen ham ctia ham sé f'(x) sao cho F(x,)=k

% A - Bai tap minh hoa:

Cau 1: Cho ham s6 f(X) co f '(X)= 1

®. In2. ®.In3.

Loi giai
<Chon D
® Taco: If'(x)dX: f(X)+C nén

CNF=tE sy

Mait khéc theo dé ra ta co: f (1) =1

:%|n|zx_q+c

@%In|2.1—1|+C ~1&C=1nen f (x):%mpx_uﬂ

Do vay f(5):%|n|2.5_q+1:%m9+1=|n3+1.

©.In2+1.

v6i moi X ;% va f(1)=1. Khi do gia tri cta f(5) bing

®. In3+1.

% PP nhanh triac nghiém

® Casio

f (x)dx=F(b)-F(a)

D C——, T
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Cau 2: Biét F(x) la mot nguyen ham ctia ham sé f (x)=2x+2" thod man F(0)=0.Tac6 F(x)

bang
2 2X_1 2 1_2X X 2 X
®. x*+ — ®. x*+ - ©.a+(2-1)n2.  ©. x*+2"-1.
Loi giai % PP nhanh triac nghiém
9Chon A ® Casio: Thit dap an
° Tacé:j(2x+2X)dx=x2+ 2 ,C.Dods.
In2
ez , 2° 1
®Theo gia thiét F(O)=0<:>O +—+C=0=C=——.
In2 In2
oVay F(x)=x*+ 2 1 21
In2 In2 In2

Cau 3: Timnguyén ham F X cllahamsé f x =sin 7 —2x théa man F[%]zl.

_ —cos(r—2x) ' 1
®. F(x)_—2 +3

@.F(x)zwirl.

Loi giai
<Chon B
. Cos 7w —2X
® F X :fsm n—Zxdx:”—
2

1
o F|Z|-telico1ec=2
2 2 2

cos(r—2x) 1
cos(z—2x) 1

e Vay F(x)=
ay F(x) 5 5

% B - Bai tap rén luyén:
Cau 1.

®. F(x)=x*—2x* +5x-1.

©.

F(x)=x"—2x*+5x+3.

Cau 2.
®. F(-3)=226.  ®.

Cau 3.

®. F()= cos(;zz— 2X) +% .

_cos(z—2x) 1
O. F(x)_—2 >

% PP nhanh tric nghiém

® Casio: Thu dap an

+C

Tim mot nguyen ham F(X) ctia ham s6 f(X) =4x>—4x+5 théaman F(1)=3

®. F(x)=x*-4x>+5x+1.

®.

F(x) = x* —2x° —5x+%.

Hams6 f(x)=-5x"+4x"~6 c6 mot nguyen ham F(x) thoa F(3)=1. Tinh F(-3).
F(-3)=-225. ©. F(-3)=45L1.

®.

F(-3)=225.

Biét F (X) 14 mot nguyén ham ctia ham s6 f (X) =sin2x va F (%j =1. Tinh P=F (%j .

St-bs: Duong Hung
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Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

®@. p=>. ®. P=0. ©.p=1. ®. p=3.

4 2 4
Tim mot nguyén ham F (X)ctiaham sd f (X)=2x+sinx+2cosx théa man F(0)=1.
®). F(x)=x*+cosx+2sinx—2. ®. F(x)=x*-cosx+2sinx.
©. F(x)=2+cosx+23inx. D. F(x)=x2—cosx+23inx+2.

Tim mot nguyén ham F (X) ctia ham s6 f (X) =sin X+

o).

thdéa man F [—
4

cos? x 2
®. F(x)=—cosx+tanx+C. ®. F(x)=—cosx+tanx—\/§+1.
©. F(x)=cosx+tanx++2 -1, ©®. F(x)=-cosx+tanx++2-1.

Biét F(x) 1a mot nguyén ham ctia ham s6 f(x) =e** théa F(0) = g Gia tri cua F [%J

bang

@. %e+2. . %e+1. © 2e+1. @ %e+%

Kihi¢u F(x) la mot nguyén ham ctia ham so f (x)= (X2 +1)2 va F(1)= % Khéng dinh

nao sau day la dang?

5 3 5 3
®. F(x)=%+%+x. ®. F(x):%+%+x+c.
x> 2x°
©. F(x)=4x(x* +1). O. F(X):€+T+X+l'
A N ~ ~ N 2 N A 1 N z
Biet F(X) la mot nguyén ham ctia ham so f(X):ﬁ va F(Z)zl. Tinh F(3).
®. F(3)=%- ®. F(3)=%- ©. F(3)=In2-1. O.F(3)=In2+1.
Tim nguyén ham F(X)cﬁa ham s6 f(X): \/% thoa ménF(5):7.

®. F(x)=2v2x-1. ®. F(x)=2V2x-1+1.

©. F(x)=v2x-1+4. ®. F(x)=+v2x-1-10.

Goi F(x) la mot nguyén ham ctia ham s6 f (x)= (2X—3)2 thoa F(0) :%. Tinh gia tri
ctia bidu thite T = log, [ 3F (1)-2F (2)].

A.T=2. ®. T-=4. ©. T-=10. O.T=-4.

BANG DAP AN

St-bs: Duong Hung 9
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| 1.A | 2 | 3D | 4D | 5D | 6B | 7.A | 8D | 9.B | 10.A ]

— M Dang 3®): Phuong phap doi bién sb. ~
®-Dinh Ii: Cho ham s6 u = u(x) c6 dao ham valién tuc tréntrén K vahamsé y = f(u)
lién tuc sao cho f[u(x)] xéc dinh trén K . Khi d6 néu ham s6 £ (u) 1a mét nguyén ham cua
f(u), tac 1 If[u(x)]u'(x)du = F[u(x)] +C
®-Phwong phap:

Tir d6 ta c6 hai cach doi bién sb trong viéc tinh nguyén ham nhu sau:
e Dit biénsd: t = u(x)
® Suy ra: df = du(x)=u'(x)dx rdi dua vé viéc tinh nguyén ham
o] = If[u(x)].u'(x)dx = If(t)dt don gian hon.
\_ J
% A - Bai tap minh hoa:
Cau 1: Tim ho nguyén ham J.COSZ xsinx dx ta dugc két qua 1a
2 1 3 1 3 1 HP]
®. —cos’x+C. ®. gcos x+C. ©.—§cos X+C. . gsm x+C.
Loi giai % PP nhanh triac nghiém
2Chon C e Casio: xét hiéu
2 i 2 1 os?
o Icos xsin x dx = —Icos xd(cosx) = —gcos x+C.
- s 1 1 9
Cau 2: Nguyén ham J.—ZCOS—dX bang
X X
.1 .1 .1 .1
®. —sin=+C. ®. sin=+C. ©.-2sin=+C. ©. 2sin=+C.
X X X X
Loi giai % PP nhanh tric nghiém
SChon A ® Casio: xét hiéu

® Taco '[icosldx:—jcosld(lj:—sinlJrC.
X

NG X X X

Cau 3: Tinh nguyén ham | =J.

1
—————dx.
xy/In x+1
ON :é/(ln x+1)° +C. ®. 1=+Inx+1+C.

©.1 :EQ/(In x+1)* +C. ©. 1=2JInx+1+C.

2

St-bs: Duong Hung 10




Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

Loi giai % PP nhanh tric nghiém
2Chon D ® Casio: xét hiéu
1 -t
o | ————dx=[(Inx+D2d(Inx+1) =2/Inx+1+C.
'[x\/In X+1 -[( )l )
a N ~ N o N 2 sin X
Cau 4: Tim nguyén ham ctia ham s6 f(X) =——
1+3cosx
1
®. J'f(x)dx:gln|1+3005x|+C. ®. jf(x)dx=|n|1+3cosx|+C.
@.If(x)dx=3|n|1+3cosx|+c. O. .[f(x)dx=_?lln|1+3005x|+c.
Loi giai % PP nhanh tric nghiém
SChon D ® Casio: xét higu
® Ta co:
I&dx:—EI;d(Hscosx):—lln|1+3cosx|+C
1+3cosx 371+3cosx 3

% B - Bai tap rén luyén:
Cau 1: Biét | f (u)du = F(u)+C. Meénh dé nao sau day ding?

@. [f(2x-1)dx=2F (2x-1)+C. ®. [f(2x-1)dx=2F(x)-1+C,
©. | f(2x-1)dx=F (2x~1)+C. ®. If(Zx—l)dx:%F(Zx—1)+C.

Cau 2:  Nguyén ham ctia ham s6 f (x)= X(X2 +l)9 1a

®. (¥ +1)" +C. ®. 2(x+1)" +C.
1 10 1 10
©. —%(x2+1) +C. O. E(x2+1) +C.
Cau 3: Nguyén ham ctia ham s6 f(X)=\/2X—1 la
®. If(x)dx:—%\/2x—1+c. ®. If(x)dx:%\/Zx—1+C.

© .If(x)dx:%(ZX—l)\/Zx—1+C. ®. If(x)dx:§(2x—1)\/2x—1+c.
Cau 4: Nguyén ham ctia ham s6 f(x):xeX2 1a

®. %eXZ+C ®. e‘+C.

©.2e° +C.26¥ +C ©@. (2x* +1)e” +C.

« £ N £ 2 N A n X N 2 ~
Cau 5:  Biét rang ham so F (X) la mot nguyén ham ctia ham s6 f (X) =—— vathoa man F (ez) =4,
X

St-bs: Duong Hung 11
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Meénh dé nao sau day 1a dang?

®. F(x)=12-3 ®. F(x)="X+3

©.F(x):ln;X—2 © F(x):ln;X+2
Cau 6: Tim ham 6 F (x) biét F(x):jxj‘ildx va F(0)=1.

®. F(x):ln(x4+1)+l. ®. F(x):%ln(x4+1)+%

©.F(x):%ln(x4+1)+l. O. F(x):4ln(x“+1)+1.
Cau 7: Ho nguyen ham ciia ham s6 1 () = ;Z’is 1a

®. -Infcosx-3/+C. ®. 2In|cosx-3+C.

©. —M+C. ©. 4injcosx-3+C.

2
Cau 8: Ho nguyén ham ctia ham sé f (x)=sin 2% 13

sin? x+1

@. sin2xe™*t4C . ®. _ez +C.

Sin° x+1

sin? x—1

©. eic . ® £ ¢

sin“ x-1

Cau 9: Xét nguyen ham | = j J1-x%dx v6i phép dat x =sint . Khi d6

ON :I2|cost|costdt i ®. 1| :I2|sint|cosztdt.
©. 1 :I|cost|costdt ) ON :j4|sint|costdt.

Cau 10: Xét nguyén ham | :j\/4—X2dX v6i phép dat x=2sint voi te (0; %) . Khi do
®. 1 =j2(1+c032t)dt ®. | :J2(1+cos3t)dt

©. I =I2(4+c032t)dt O. | =_[2(1+2c052t)dt

| 1D | 2D | 3D | 4A | 5D | 6C | 7.A | 8C | 9.C | 10.A |
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M Dang @: Phwong phap tirng phan

®-Phwuwong phap:

e Khi d6: [ udv = uv — [ vdu. (x)
 Dé tinh nguyen ham [ f(x)dx bing titng phan ta lam nhu sau:
W Buéce 1. Chon u, v sao cho f(x)dx = udv (cha y dv = v'(x)dx).
<= Sau d6 tinh v = [ dv va du = u'. dx.

Y Budc 2. Thay vao cong thite (x) va tinh [ vdu.

®.Dang 1. I = J-P(x) Smx}dx, trong do P(x) la da thic
COS X
u=P(x)
’.Dét: dv = |:sinxj|dx .
COS X

@. Dang 2. I = J.P(x)e”“f’dx, trong d6 P(x) la da thi

U= P(x)
+.Dat: .
dV — ear+bdx

®. Dang 3. I = J'P(x)ln(mx+n)dx, trong do P(x) la da thrtc

U= ln(mx+ n)
+.Dat: .
dv= P(x)dx

®. Casio: Xét hieu %(F(X))L:X - f(X), calc x= {-5,....,5} mot cach thich hop

Sé thu két qua bang 0 hoic xap xi 0 1a dap 4n ding.

® Cho hai ham s6 u va v lién tuc trén doan [a; b] va c6 dao ham lién tuc trén doan [a; b].

~

)

% A - Bai tap minh hoa:

Cau 1. Ho nguyén ham ctia ham s6 f (X) =XC0S2x la

@_ x3|n2x+0052x+C' _ xsin2x—Coszx+C.
2 4 2
©.xsin2x+C082X+C. @ xsm2x_c052x+C.
2 2 4
Loi giai PP nhanh tric nghiém
9Chon A
o =_[xc052xdx. ¢ Casio

St-bs: Duong Hung 13
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du = dx
U=x

*Dit {

*Khi do

| :lxsin ZX—%Isin 2xdx:1xsin 2x+%c032x+c

= 1. . -
dv = cos 2xdx V=§Sln2X

Cau 2: Ho nguyén ham cia ham s6 f (x)=xIn2x la
X 1
. —|In2x-=[+C.
® 2( 2]

©.X
.?(In 2x-1)+C.

Calc z=3.5

[

Chon A

N i
x51n{2x}¢c051’[}
2 4

0

M
d
dx

2
2IN2X——+C .
2

X2
ZIn2x-x?+C.

Loi giai PP nhanh tric nghiém
SChon A
1 *Casio
_inax |V
e Dit u= X. Calc z=1
"~ |dv = xdx S
2
UL 11]
X 1 x° i[x_ ln¢2xy— ][}
F(x)=|f(x)dx=—.In2x—|=.—dx
(x)=[f(x) > sz dxz[ 2 5
2 2 2 ' D
:X—In2x—X—+C:X—(In2x—ij+C
4 2 2 Chon A
Cau 3: Tim nguyen ham ctia ham s6 f (x) = xe™.
®. F z :%e“[az—%]—{—C. ®. Fao=2"2-2+C,
2z 1 ]‘ 2z
©. Fa=2 r—2|+C. O@. Fao=2e o-2+C
Loi giai PP nhanh tric nghiém
SChon A
*Ta co: F(x):jx.ezxdx. * Casio
eDit Calc: z=2
PR i
du = dx i[e_ 1 ]
u=X dxl 2 (x—1-2) |x=xb
2x = 1 2x
dv =e""dx v=—e 0
2
:>F(x)zlxezx—jlezxdx:le2X x—1l+c
2 2 2 2
% B - Bai tap rén luyén:
14
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Cau 1: Biét ring ham sd F (X) 134 mot nguyén ham ctia ham s6 f (X) =Inx va théa man F (1) =3.
Gia tri ciia F (ez) bang
®. 4. ®. —e?+4. ©.e?+4. D. 3e? +4.
Cau 2: Nguyén ham ctia ham f (X) = 4X(1+ In X) 1a
®.2x* In x+2X°. ®. 2x2Inx+3x%.
©.2x%Inx+x2+C ©.2x%Inx+3x* +C.
Cau 3:  Biét ring ham s6 F(x) 12 mot nguyén ham ctia ham sé f (x)=(x—1)e™ va théa méan
F (0) =2020. Khing dinh nio sau day dang?

®.F(x)=e™+2019. ®. F(x)=xe™+2020.
©. F(x)=-xe ™ +2020. ©.F(x)=-xe*+2020 .

N |-

Cau4: Biétranghamsd F(x) 1amot nguyén ham ctiahamsd f (x)=xcos’ g vathéaméan F(0)=

Gié tri ctia F(7) bang

7t 1 r* 1
EanEY ® -1
® 2 2 4 2
2 2
”—+l ot
4 2 4

Cau 5:  Nguyén ham ctiahamso f(x)=e*sinx la

®.[e*sinxdx =e*sinx+C . ®. [e*sinxdx == (e sinx+e cosx) +C

©.[e*sin xdx = e* cos x +C. D.]e*sinxdx = = (e sinx—e cosx) +C.
Cau 6: Ham s6 f(X)=(x+1)sinX co6 cac nguyén ham la:

®.F(x) = (x+1)cos X +sinx+C. ®. F(z) = —(z +1)cosz +sinz + C

©.F(z) = —(z +1)cosz —sinz 4 C @.F(X):(X+1)COSX—SinX+C

Cau 7: Tinh I xcos xdx , ta dugc két qua la:

®.F (x)=xsinx+cosx+C ®. F(x)=xsinx—cosx+C .
©.F(x):—xsinx+cosx+C. @.F(x):—xsinx—cosx+C
Cau &: Mot nguyén ham ctia ham s6 f(x) = (X2 + 2X)eX
®.F(x) =(2x+2).e" ®. F(x)=x%".
©. F(x) = (2" +12).€" O. F(x) = (x* —2x).€*.
Cau 9: Két qua nao sai trong cac két qua sau ?
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3x

®. .[ xe¥dx =

XZ —%G3X+C . Ixezdx:xez—ez+0.

2
©.fxezdx:x—.ez—{—0. @.J‘LXdX:_—f—%+C.
2 e e e

Cau 10: Cho f(x)= j Intdt. Dao ham f'(x) 1a ham s6 nao dudi day?
0

@% ®. Inx. ©. In’x. @.%Inx.

Cau 11: Nguyén ham ctia ham s6 f (x)=xsinx la
®. —xcosx+sinx+C.

©. xcosx+sinx+C.

Cau 12: Két qua cua | =Ixexdx 1a

2

®. 1 =X?ex+eX+C.

X2
©.1="-¢*+C.
2
Cau 13: Tinh F(x) = j xsin 2xdx. Chon két quéa ding?

®. F(x):%(Zxc032x+sin 2x)+C .

©. F(x)=—%(2xc052x—sin 2x)+C..
Cau 14: Nguyén ham ctiaham sd f (x)=(x+1)e* la

®. xe*+C. ®. (x+2)e*+C.

Cau 15: Ho cac nguyén ham ciia f (x)=xInx la
2

®. X?Inx+%x2+c.

2

©.X?Inx—%x2+c.

Cau 16: Tim nguyén ham ctia ham s6 f (X) =X In(x+ 2) )

X2 X* +4x
| f dx =—I 2)— C.
® .[ (x)dx > n(x+2) 5 +

2 2
®. jf(x)dx: X 2_4In(x+2)—x ;4X+C.
2

©'[ f (x)dx:x?ln(x+2)—

X% +4x

+C.

®.
®.

xsinXx+cosx+C.

XcosX—sinx+C.

| =e*+xe*+C.

| =xe*-e*+C.

F(x) :—%(Zxc032x+sin 2x)+C.

F(x)= %(2xcost—sin 2X)+C.

©.(x—1)eX+C. D). 2xe*+C.

®.

®.

lenx—1x2+C.
2

xInx+%x+C.

St-bs: Duong Hung
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2
dx—

®. [t0x

4In(x+2)—

X _4X+C.

Cau 17: Cho ham sé y = J. xsin 2xdx . Chon ménh dé dang trong cdc ménh dé sau

(i)

©y( ] 12

Cau 18:

®. F(x)=(x+1)e™+2.
©.F(x)=

—(x+1)e™ +2.

Goi F(x) la mot nguyén ham cta ham so f(x)=

6

® (5]

®. y@:

6

xe™*. Timh F(x) biét F(0)=1

®. F(x)=
O. F(x)=(x+1)e™+1.

—(x+1)e™ +1.

Cau 19: Tim ho nguyen ham F(X) ctiahamsb f (x)=x.e*.

®. F(x)=2e"(x-2)+C.
©.F(x)=2e2x(x—%j+c.

®. F(x)= ;ZX(X 2)+C.

®. F()=-1¢ (x—%j+c

Cau 20: Cho F(x)1a mot nguyén ham ctia ham s6 f (x)=(5x+1)e* va F(0)=3. Tinh

F(1).
®. F(1)=e+2. ®. F(1)=11-3. (©O.F(1)=e+3. O. F(1)=e+7.
1.C [ 2€C [ 3C [ 4B [ 5D [ 6B [ 7.A [ 8B | 9.C | 10.B
11.A 12.D 13.C 14.A 15.C 16.D 17.C 18.C 19.D 20.D
St-bs: Duong Hung 17




Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

Full Chuyén
dé 12 new
2020-2021

CHUONG ®: NGUYEN HAM-TiCH PHAN-UNG DUNG

FB: Duong Hung

[ Bai 2: TICH PHAN DUNG DINH NGHIA, TINH CHAT ]

M Dang (1): Tich phan ding dinh nghia
%.Phuong phdp:

YT

b b
O Nhan zét: Tich phan cia ham sb [ tir adén bco thé ki hieu béi [ f(z)dz hay [ f(t)dt. Tich phan

d6 chi phu thudc vao f va cac can a, b ma khong phu thudc vao cach ghi bién sb.
L <$-. Ch4 4: Hoc thudce bang nguvén ham ctia cic ham sb cd ban thudng gap.

% A - Bai tap minh hoa:

b
Cau 1: Tinh tich phan _[dx.

®. a-b. ®. ab. ©.b-a. ®. a+b.
Loi giai % PP nhanh tric nghiém
2Chon C °

=b-a

b
® Tacé: IdX=X
a

a

0
Cau 2: Gia tri ciia Iex+1dx bang
O

®. 1-e. ®. e-1. ©.-e. ©. e.
Loi giai % PP nhanh tric nghiém
2Chon B °
¢ 0
® Ta co je”ldx = e
-1

=e-1.
1

1
Cau 3: Tich phan | :Ixzozodx bang
0

®. -1 ®. 0. L ®. 1.

2021 12019 °
Loi giai % PP nhanh tric nghiém
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<Chon A .

2021 |1 1

1
® Tacs I =[x™dx=0—{ ="
2021|2021

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Blet_[ x)dx = F(x)+C .Trong cac khang dinh sau, khang dinh nao ding?
®. j x)dx = F (b)—F (a). 0j x)dx = F (b).F (a).
©j x)dx = F (a)—F (b). @j x)dx = F (b)+F(a).

Trong cac phép tinh sau day, phép tinh nao sai?

®. j(x+1)dx:()§+xj . ®. 2J?cosxdx=(sinx)‘i7z

1 1

©. J.ldx:(ln x)‘_i. O. iexdx=

Cho ham s6 f (x) c6 dao ham trén doan [1; 3], f(3)=5va J. f'(x)dx=6.Khido f(1 (1) bang

®. -1. ®. 11. ©.1. ©. 10.

F (x)1a nguyén ham ctia ham sb f(X):§+% (x#0), biét rang F(1)=1. Tinh F(3).

®. F(3)=3In3+3. ®. F(3)=2In3+2. ©.F(3)=2In3+3. ©. F(3)=

3
Cho ham s6 f (X) c6 dao ham tren R, f(-1)=-2 va f(3)=2.Tinh | :j f'(x)dx.

®. 1=4 ®. 1=3. ©.1=0. ©. 1=—4

Cho cac so thuc @, b (a<b). Néuhamsé y= f (X) c6 dao ham la ham lien tuc tréen R thi
®. Tf(x)dx: t'(a)- f'(b). ®. Tf’(x)dx: f(b)—f(a).

©.f f'(x)dx= f (a)-f (b). ®. Tf(x)dx: f'(b)-f'(a).

PT 1.2 Cho F(x) la mot nguyén ham ctia ham s6 f (x). Khi d6 hieusé F(1)—F(2) béng

®. Jj[—f(x)]dx. ®. j;F(x)dx. ©.Jj[—F(x)]dx. O. ij(x)dx.

Cho ham sé f(X) ¢6 dao ham f'(X) lién tuc trén [a;b], f(b =5 va If dX 1, khi do

f(a) bing

®. -6. ®. 6. ©.-4. D. 4.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cho ham s6 f (X) c6 dao ham lien tuc tren [0;1] va thoan méan j f'(x)dx=-3. Gia tri cia
biéu thic f(0)- f (1)

®. -2. ®. 1. ©.3. ®. -3.

Cho ham s y =X® ¢6 mot nguyén ham la F(x). Khing dinh nao sau day la ding?

®. F(2)-F(0)=16.®. F(2)-F(0)=1. ©.F(2)-F(0)=8. ©. F(2)-F(0)=4.

Cho ham s6 f (X) c6 dao ham lién tuc trén doan [1;3] thoa man f (l) =2va f (3) =9. Tinh

3
I:jf'(x)dx.
1
®. 1=11. ®. 1=2. ©.1=7. D. 1=18.
Tinh tich phan | = i
x+2
21 5 5 4581
L= . l=In—. .1 =log—. L=
@ 100 . 2 © g2 @ 5000
L1
Tinh tich phan | = j dx.
1 2x—1

®. 1=In3-1. ®. 1=In43. ©.1=In2+1. ®. 1=In2-1.

Cho cac so thuc a,b (a<b). Néuham sé y=F(x) la mot nguyén ham ctia ham s y = f (X)
thi

®. j x)dx = F (a)—-F(b). .jF(x)dx:f(a)—f(b).
©IF x)dx= f(a)- f(b). @j x)dx =F (b)-F(a).

Cho ham sb f(X) lién tuc trén tap R, mot nguyén ham cua f(X) la F(X) thod man
1
F(1)=-3 va F(0)=1. Gid tri | f(x)dx bing

0

®. -a. ®. -3. ©.-2. ®. 4.

Cho ham s6 f(X) thoa man f(0)=1, f' ( ) lien tuc tréen R va If x)dx=9. Gid tri clia
f(3) 1a

®. 6. ®. 3. ©.10. O. 9.

Cho ham s6 f(X) théa man f(0)=1, f'(X) lien tuc tréen R va If x)dx=9. Gid tri clia
f(3) 1a

®. 6. ®. 3. ©.10. ®@. 9.
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Cau 18: Tich phan 'lfx(x2 +3) dx bang
0

4 7
®. 2. ®. 1. ©.? ©. -
Cau 19: J‘ 2b§1ng
®. 2In2. .%InZ. ©.In2. ®. %InZ.
Cau 20: Cho hai s6 thuc a,b e( 2) théa méan I dx =10. Gia tri cia tana—tanb bang
COS X
1 1
. 10. ®. -—. .-10. L.
® ® n © ) n

1.A 2.C 3.A 4.C 5.A 6.B 7.A 8.D 9.C 10.D
11.C | 12.B 13 14.D | 15.A | 16.C | 17.C | 18.D | 19.B | 20.C

M Dang 2): Tich phan dung tinh chat

~

Y. Phuong phdp:

Gia str cho hai ham s6 £ (x) va g(x) lién tuc tréen K,a,b,c 1a ba s6 bat ky thuoc K . Khi dé ta c6

@jf(a‘)da‘ =0 @If(’c)d:c = —j f(z)dz
@.jf(:t‘)d&'? = :rf(az)daz + j.f(ac)dm @jl:f(ac) + g(x)} dr = jf(a:)dac + jg(m)d’t
®. j kf(x)dz = k. j fla
\_ J

% A - Bai tap minh hoa:

Cau 1: Cho biét I dx 3 va Ig dx——2 Tinh tich phan | —I[2X+f ) ZQ(X)]dX.

®. 1=11. ®. 1=18. ©.1=5. . 1=3

Loi giai % PP nhanh tric nghiém
2Chon A .

e Taco | :'|2'[2x+ f (x)—29(x)]dx

0

:j dx+j x)dx — 2jg x)dx = 4+3-2.(-2)=11.
0
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2 4 4

Cau 2: Cho ham sb f(X) lién tuc trén R va co J.f(x)dx=9;J. f (X)dX=4.Tinh I =j f (X)dx?
0 2 0
®. |=% ®. 1=36. ©.1=13. ®. 1 =5.

Loi giai % PP nhanh tric nghiém
PChon C °

4 2 4
e Taco J'f(x)dx:J'f(x)dx+.[f(x)dx:9+4:13.
0 0 2

1 5 5
Cau 3: Cho [ f(x)dx=-2 va [(2f(x))dx=6 khido [ f(x)dx bang
0 0

1

®. 1. ®. 2. ©.4. . 3.
Loi giai % PP nhanh triac nghiém
SChon A ot

P e

(2f (x))dx = 6<:>j X)dx =3

oif(x)dx:jf dx+_[ x)dx=-2+3=1
0 0

% B - Bai tap rén luyén:

5
Céau 1: Neuj (x)dx = sj x)dx=—1 thi | f(x)dx bing

1

®. ;. ®. 5. ©.3. ®. 4.
Cau?2: Cho f (X), g (X) 14 hai ham s lién tuc trén R . Chon ménh dé sai trong cac ménh dé sau.
b b
®. '[f(x)dx:J'f(y)dy, ®. 'f ))dx = I X) dx — jg

©. j x)dx =0, O. !(f(x).g(x))dx:i i (x)dx.!g(x)dx

a

Cau3: Cho f( )9 (x )1a hai ham sé lién tyc trén R . Chon ménh dé sai trong cdc ménh dé sau?
®. I X)dx = I
®. I(f(x)—g(x))dx:jf(x)dx—jg(x)dx_
©I x)dx=0.
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O. z[f (x)g(x)]dx=z f (x)dx.j:g(x)dx _

Cau 4: Choj x)dx = 2va_[g x)dx =5 khi d6 .[[f )+29 () |dX bang

®. —3. ®. -s. ©.12. O. 1.
1 1
caus: Cho [[ f(x)—2g(x)]dx= 12vajg X)dx =5 khldojf(X)deéng
0
®. _2. ®. 12. ©.22. ©. 2.

1
Cau 6: Choj x)dx = 2 vaj x)dx =7, khi do j{f(X)—%g(X)}deéng

1

®@. 3. ®. ©.3. ®.1.

Cau 7: Choj X)dx = 50 If(x)dx=20.Tithf X) dx
b

b

®. -30. ®.0. ©.70. ©. 30.
Cau 8: Choj X)dx =2 vajg X)dx =5 khi 6 j[f 29 (x) |dx bing
@?). _3. ®. 12. ©._s. O. 1.

6 10 6
Cau9: Cho ham s f(x) lién tyc trén R théa man J. f (x)dx =7,_[ f (x)dx =8,J. f (x)dx=9. Gia tri ciia
3 3

| :ng f (X)dX bé‘lng
®. |=5. ®. 1=6. ©.1=7. ©.1-=8

2
Cau 10: Chohamsb f(x) lién tyc trén tap R va thoa mén I x)dx =3, If(x)dx=—5. Gia tri caa biéu
0

thac I dx bang

®. s. ®. _11. ©._s. ®. _».
Cau 11: Chohamsé y= f(x) lién tuc trén R . Ménh d¢ nao sau day ding?
2 1 1
: j x)dx—;_[f (x)dx. ®. J.f(x)dx:zj.f(x)dx.
0
1
©_If(x)dx:0. If (x)dx = jf 1-x)dx.
-1 0

Cau 12: Cho ham s y=f(X)co dao ham lién tuc trén doan [1;4], biét f(4)=3 f(1)=1. Tinh

j.2f’(x)dx
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Cau 13:

Céu 14:

Céu 15:

Céu 16:

Céu 17;

Céau 18:

Céau 19:

Céau 20:

®. 10. ®. s. ©.4. ®. 5.
3

Cho cac ham s6 f (x),g(x) lién tuc trén R c6 I[Sf (x)+2g(x)]dx=1;
1

T[Zf (x)-g(x)]dx=-3. Tinh _l[f(2x+1)dx,

-5 10 11 5
®. - ®. = ©.—. . -
Cho f(x) va g(x) lacac ham sé lién tuc bat ki trén doan[ b] Ménh dé nao sau day dung ?
®. j"f( g(x)[dx = j X ) dx — jg X)dX. I ))dx = I X)dx — '[g
©. I(f(x)—g X)) dx:jf(x)dx—_fg(x)dx. O. I(f (x)- If )dx—jg
Bletj x)dx =3, jg x)dx =9. Tich phan j[f x)]dx bang
®. 10. ®. 3. ©.6. ©@. 12.

Cho j f (x)dx = 3j f (x)dx = 3. Tinh tich phan j f (X)dx ?

®. 6. ®. 4. ©.s. @. 0.
Cho jf(x)dx:—z va jg(x)dx=—5, Khi d6 J:-[f(x)+3g(x)]dx bang

®. -10. ®. 12. ©.-17. ®@. 1.
Cho j f (x)dx = 2 j f (x)dx =2 . Tich phan J.f(x)dx bing

®. 4. ®. 3. ©.6. ©. 1.

4

Choj x)dx =-1 vaj x)dx = 3. Khi do, | —I f (x)dx bing

®. |=-4. ®.1=2. ©.1-=4. ®. 1--2.

2 2 3
Cho ham s§ f (x) lién tuc trén doan [0;3] va [ f(X)dx=1, [ f(x)dx=4. Tinh I = [ f (x)dx.
0 3 0

®. |=s5. ®. | =-3. ©.1=3. ©. |24

1.A 2.D 3.D 4.C 5.C 6.C 7.A 8.C 9.B 10.C

11.D 12.C 13.D 14.B 15.D 16.B 17.C 18.A 19.B 20.B
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M Dang (3): Tich phan st dung dinh nghia chita tham sb a, b, ¢
/®_ Phuvong phap

—~

B Y. B
(- Dang 1: .I o _Ljads =lln|a:c+b’
aag:+b aaa:c+b a .
A B
.jd—x,=lj‘(a$+b)'k.ad$= 1 .(a3;+b)"‘:+1/3
Y (ax + D) av a(l— k) .
£ dx |
@.Dangz I:I— (a#[)) (a:52+bz+c¢0véimoiwe[a;ﬁb, A=b — dac
ar’ +br+c¢
2a 2a
B
de,~e)\e-a, T-g,]" da-z) :
= ! lnm_$‘|ﬁ
a(z, —,) x—:cQ‘a

1 1 —b
° A=0thi = 3_’,‘[]:—
az’ +bx +c m(m—:r:n)2 2a
7 1
J-G/E +b:r+c_a'[ (z— :rn)Q _a(:r:—x[))
f dr
ar’ +bx + ¢ v . 2 F Z
o|l|lz+—| +|,—
2a 4a’
m+i: _Atant:bdaf::l £(1+tan2t)dt
2a 4q” 2\ a2

(3. Dang 3: I = jﬂdm, (a # O)( f(zx) =Zn$i lién tuc trén doan [a;ﬁ])
ar” +br +c ar” +br +c

e Bing phufdng phap dong nhat hé s6, ta tim 4 va B sao cho:

e A<Othil-= I

me +n _A(a$2+b:z:+c)'+ B _ A(2az +b) N B
ax® +bx +c azr’ +bx +c az® +bx + ¢ a&:2+bw+c az’ +bx +c
B B B
o Tact I:j an+n i =I A(2a$+b j- B .
L (AR SR iR e > az’ +b:c+c * ar’ +br+ec
. B

& Tich phanj M dx :Aln‘a:c2+b:c+c
> ar’ +br+c a

& Tich phan jd—x thuoc dang 2.

ar” +br +c

\_ J
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% A - Bai tap minh hoa:

Cau 1: Cho biét I—dx a+b|ng v6i a,b 14 cac s6 nguyen. Gia tri clia biéu thitc a—2b bing

®. 6
Lai giai
9Chon D

1
e Ta co: X—_ld
o X+2

0

~(1-3In3)~(0-3In2) =1-3in>.
® Suy ra { :_3. Vay a—-2b=7.

¢ xdx
Cau 2: Cho

0 (2x+1)

1 5
@. E . E ©.——
Loi giai

2Chon A

(2x+1)° 2

xdx 1]-(2x+1—1)dx
5 (2x+1)2

O ey

®. 3.

j.(l—%jdx =(x- 3In|x+2|)‘0

1 1 1
_Z£(2X+l_(2x+1)2]d(zx+l)

1
_1 In|2x+1]+ 1 1 In3+ 1—1 _—In3—1.
4 2x+1 O 4 3 6

©.-5.

®. 7.

% PP nhanh triac nghiém
Casio:

® Buée 1: Tinh tich phan roi luu lai 13 A

eBude 2: Rt a=A—b|ng.

®Budc 3: Table nhap f(x)=A- Xlng

v6i Start: =9, End: 9, Step: 1.
Duge cip s6 x=-3 , f(x)=1 théa
man. Suy ra a=1,b=-3.

=a+bIn2+cIn3 véi a,b,c 1a cac s6 hitu ti. Gia tri cia a+b+c bing

1
O. ;.

% PP nhanh tric nghiém

ODatt_2x+1:>x_t -1 L

*Vay: a+b+c:i
12

*Vay a+b+c:—1+£:i

6 4 12
Cau 3: Cho I—dx alnb+c,véi a, b, ¢ 1a cac s6 hitu ty. Gia tri ctia 9a+11b+22¢ bang

24x+16
®. 15. ®. -10. ©.7. ®@. 9.
Loi giai % PP nhanh triac nghiém
9Chon C *
St-bs: Duong Hung 26




Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

® Taco
5 17

T 1-5x i 1-5x :i‘3(3x 4)‘3dx
> 9X? —24x+16 2 (3x— 4 A (3x—4)2
:——j dx SI 3x—4)_£jd(3x—4)

3x—4 3 > (3x— 4 97 3x-—4 92(3x—4)2

5
:(—§In|3x—4|+£. ! j:§ 2 17
9 9 3x-4), 9 11 22

5 2 17
—a=2b=Sc=-2L

9 11 22
=9a+11b+22c= 9§ 113—22£=—1O

9 11 22

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Tim s6 thuc a<0 théa man I(x3—6x)dx:¥.
®. a=-4. ®. a=-5. ©.a=-6. ®. a=-3.
1. b . N
a —In—,. Tong a+b+c bang
a ¢
®. 1s. ®. 14. ©.16. ®. 10.
+dx
Gia st Iz—l =a+In(b+1), vdi a,b 1a cac s6 nguyén khong am. Tinh T=a+b?
X_
1
®. 9. ®. 2. ©.-1. O. 1.

N |

Biét sz—_l:l'dx=a|n3+b|n2+c (a,b,c 1a cac sb nguyeén). Gia tri a+b—C bing
0 X+

®. 2. ®. -4. ©.3. @. -1.
i
Cho biét j(4—sin x)dx=az+b, v6i a, b 1a cac s6 nguyen. Gia tri ciia biéu thic a+b bing
0
®. -4. ®. 6. ©.1. ©. 1.
8 b b
Cho | =J.COS2 2xdx——+— v6i a, b, ¢ 1a cac sd nguyeén du’dng, — t6igidn. Tinh P=a+b+c
a C
®. P=15. ®. P=23. ©.p=24. @. P=25.
X2+ 2x
Cho I dx=a+bIn2 v6i a, b 1a cac s6 hitu ty. Gia tri cia 16a+b 1a
O(x+l)
®. 17. ®. 10. ©.-s. ®. -5.
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Choj 22x+1 dx=aln2+bIn3+cIn5, (a,b,c €Z). Gia tri cia a+b+cbang
L xXT +3x+2
®. 1 ®. 4 ©.1 ®. 7
b
Véi a,b 1a cac tham s6 thuyce. Gia tri tich phan I(sz —2ax—1)dx bang
0
®. b*-b%a-h. ®. b*+b%a+b. ©.b*—ba*-b. ©. 3v?—2ab-1.
Cho | = —dX a—Inb véi a, b 1a cac s6 nguyen duong. Gia tri a+b bing
0x+1
®. 3. ®. 4. ©.s5. D. 6.
; 1 1
C6 bao nhiéu s6 thuc a € (0;2x] sao cho J.COS aX)dx—E T
®. 2. ®. 4. ©.3. O. 1.
¢ x+3
Cho J.z—dX:a|n2+b|n3+C|n5,V6ia,b,clacécsénguyén. Gia trictia a+b+c bing
L X7 +3X+2
®. 0. ®. 2. ©.3. O. 1.
1
Cho I( 2)2 dx=a+bIn2+cIn3 véi a, b, ¢ 1a cac s6 hitu ty. Gia tri cia 6a+b+c bang
o (X+
®. 4. ®. -2. ©.2. O. .
Biét | —J.XLZdX a+blnc,véid, b ceZ ¢<9 Tmhténg S=a+b+c,
®. s=7. ®. s=5. ©.s=38. ®. s=6.
2
Cho J‘(X2+LjdX:E+|I‘IE v6i a,beQ. Tinh P=a+b?
1 X+1 b b
®. pP=1. ®. p=5. ©.p=7. O. P=2.
Gia st I—ldx=aln5+bln3;a,beQ.Tinh P=a’-2b.
X +4x+3
@®. P=10. ®. P=8. ©.pP=3. ©. pP=1.
Cho J'( de) —a+bln2+cIn3 v6i a,b,c 1& cic s6 hitu ty. Gia tri cia 3a+b+c bang:
X+ 2
®. -2. ®. 2. ©.1. ©. -1.
4
Cho J‘%dle n a —E,V(’ﬁ a,b,c 1a cac s6 hitu ty. Gia tri cia a+b—c bang
2 X (x+2) 4 |b| ¢
®. 7. ®. 5. ©.14. ©. 9.

1.C | 2A | 3B [ 4D | 5¢ | 6D | 7.D | 8A | 9.A | 10.A |
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| 11.A | 12.B | 13.B | 14.A | 15.B | 16.A | 17.D | 18.B |

Hudng dan giai

Cau 1:
a 4 a
'Tacoj x® —6X = X——3X2 =——3 2y 1
1 4 ) 4 4
Tt gid thiét ta c6 phuong trinh:
a* a’=36
——3 2y 11 875 <a*-12a’-864=0 < .
4 4 a?=-24
*Do a<0 nén a=-6.
Cau 2:
2 2d(2x+5
°Tacéj dx :l ( ):l(|n|2x+5|)‘2:llng.
12X+5 29 2x+5 2 v2 07
*Vay a+b+c=2+9+7=18.
Cau 3:
5
dx 1 5 1
Ta co =—In|2x— =—(In9-InD) =In3=In(2+1).
Vay a=0,b=2=a+b=2.
Cau 4:
1 1
Zox—1, 2 1 3
-Tacé:_[—d J-(Z——jdx:(Zx—Bln|x+]J)2:1—3In—:—3ln3+3In2+1.
o X+1 0 0 2
*Do d6: a=-3,b=3,c=1. Vay a+b-c=-1.
Cau 5:
2 2 2 . i
*Ta co 'f(4—sin x)dx=4'fdx—jsin xdx =4x|2 +cosx|2 =27-1.
0 0 0
°Suyra{ j 1:>a+b:2—1=1.
Cau 6:
g 8 (14 cos4x 18 1 1. z
ol = Icos 2xdx —I - dx:—j(1+cos4x)dx:— X+=sin4dx ||8§ =—
5 5 2 20 2 4
0
=a=16, b=1, c=8.
*Vay P=a+b+c=16+8+1=25.
Cau 7:
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

1 1 2t
I 1 -3 — l_ﬂ =_§+|n2
) o 2 8

0

3 1 3 3
dx—j dx:31n\x+2\ —1n\x+1\ —3In5-3In3—In2
2 x4l 1 i

*Vay: a=-1;b=-3;c=3=>a+b+c=-1.

(3x2 —2ax—1)dx=(x3—ax2 —x)‘z =b®—ab*-b.

O e T

X o 1 B l_
eTaco: | = Ox—+1dx_Io(l—x—ﬂjdx_(x—ln|x+ﬂ)‘o_1—ln2.

*Vay: a=1 b=2=a+b=3.

1

1 . )
*Ta co: ICOSZ(ax)dx :J-]L(zax)dx :j%dx_l_J'de
0 0 , )

2 2

1 1
ol 1 _ pcos(2ax) 1 . 1 .

° — = — [N —=_\ = — .

Ma '([de Va'([ > dx 4asm(2ax) 4aS|n(2a)

2

1
0

1

1 1.
= |cos?(ax)dx ==+ -—sin(2a).
-([ 2 4da

1
R 1 1

*Theo dé bai ta co: [ cos? (ax)dx = 5t 1a-
3 da

T

*Nén sin(2a)=1<2a= 5

+k2n<:>a=%+kn,(keZ)
*Do ae(O;Zﬂ]<:>0<%+anZn<:>—%<kSézl<:>ke{();l}.

Vi k=0=>a=

K

Vik=1=Da=

~|g

*Vay c6 2 gia tri a € (0;2n] théa man dé bai.
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; X+3 :
jx +3x+2 -[x+l X+2) :! J.x+2dx

1
°

:(2In|x+1|—ln|x+2|)‘f:2In2+|n3—|n5

*Suyra a=2, b=1,c=-1.
eNén a+b+c=2+1-1=2.

Cau 13:

1

:—l—ln2+ln3.
3

1
*Tacod I I dx = (In|x+2|+i]
o ( x+2 o | X+2 x+2) X+2

*Suy ra az—%, b=-1 c=1.
*Vay 6a+b+c=-2.
3
3
Cau 14: *Ta c6 |_IX+2 I(1+Ejdx=(x+2lnx)|1:2+2In3.
X

1
*Ma |l =a+blnc,véia,b,ceZ,c<9.Suyraa=2,b=2, c=3.

*Vay S=a+b+c=7.

Cau 15:
2 2 2
*Ta co I(x2+ijdx:‘[(x2 X+1- 1) J(x +1——jdx
1 X+1 1 X+1 1 X+1
3 2
= X—+x—|n|x+1| :£+In2—ln3:10 Ing:10 nd.
3 ) 3 3 b b
*Suyra a=2;b=3. Vay a+b=5.
Cau 16:
o ox-1 ‘ -1 2
*Ta co Iz— I( de [ In|x+1|+2|n|x+3|:|‘ =2In5-3In3.
o X*+4x+3 0 x+1 X+3 0
=a=2,b=-3.
*Vay P=a’-2b=10.
1 1
Cau1r: o[ % j —2j “infx+2] ~2—2| =—-In2+In3.
2 (x+2)" ox+2  g(x+2) ° “x+2|, 3
1
0:>a:—§ b=—1C 1= 3a+b+c= 1
1 A Bx+C

Cau 18: *Ta co: =1= AX2+(BX+C)(X+2)

xz(x+2)_ X+2+ NG

*Khi d6, dung ky thuat dong nhat hé s6 ta dugc
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A=t
A+B=0 41 ., J 11
*:2B+C=0=> B:——:Iz—dx:j +—4 > 2 x
4 3 x*(x+2) 2| 4(x+2) X
2C=1 1
C==
2
4 —1 1 4
*Khi d6 ta c6: | ! x - % 17 d’z‘: 121
3| 4(x+2) x+2 4y x 29 (4 | x| 2x),

e=a=9b=10,c=24=a+b-c=-5.
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Full Chuyén
dé 12 new
2020-2021

CHUONG ®: NGUYEN HAM-TiCH PHAN-UNG DUNG

FB: Duong Hung

[ Bai 3: TICH PHAN DOI BIEN SO ]

M Dang (1): Phuong phap tich phan bing cach ddi bién sb cd ban ]

v
%.Phuwong phdp: Cho hamsé f lién tuc trén doan [a;b]. Gid st ham s6 u =u(x) c6 dao ham
lien tuc trén doan [a;b] va a <u(x) < f. Gid st c6 thé viet f(x) = g(u(x)u'(x),x €[a;b], v6i g lien
tuc trén doan [a; £]. Khi do, ta co6

u(b)

1= ] (i = [y (e = | gy

ula)

b
%. Dé tinh tich phan: /= [g(u(x))u (x)dx ta thic hién céc bude:
® .Buéc 1:  Bién ddi dé chon phép dat ¢ = u(x) = df =u'(x)dx

@. Buéc 2. Thue hién phép ddi can:
* V6i x=a thit=u(a); x=b thi t=u(b) . (Ghi Nh& : doi bién phdi doi can)

u(h)
®. Budc 3. Duavé dang 7= [ f(1)ds don gidn va & tinh hon.
ula)

%. Dau hiéu nhan biét va cach dit.

Déau hiéu C6 the dat
®. | Cocan /f(x) t=f(x)
®. | Co6 ngoic (ax+h)" t=ax+b
®. | Comi o’ 1= f(x)
L odx L ez . .
0. Co—valnx t=1Inx hodc biéu thiic chia Inx
X
0. | Co e'dx { =e" hodc biéu thiic chia e
®. | Co sinxdx [=cosx
@. | C6 cosxdx { = sin xdx
0.| Co d);: t=tanx
cos” x
d
0. | Co — f {=cotx
sin” x
coox f(x)dx N
@ | COmau: { = mau
/() )
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% A - Bai tap minh hoa:

1
Cau 1: Tinh tich phan | = I X(L+ x*)*dx
0

®. - ®. 1=

5 10
Loi giai
Chon B
® Dit t =1+ x? = dt = 2xdx .

eDdican Xx=0=>t=1;x=1=t=2

2 .4
eNen |=jt—dt=3—l
)2 10

©.1=1 ®. 1--1

10 10
PP nhanh tric nghiém

e (asio:
M o @ "
Jéx( 1+x2)  ax
31
1

2
Cau 2: Tinh tich phan | = IZX\/ x* —1dx bing cach dit u=x*-1, ménh dé nao dusi day ding?
1

®. 1=2]Judy

Loi giai
Chon C

2
o = J‘2x\/x2 —1dx
1

oDit u=x>—-1=du=2xdx.

®Doican Xx=1=u=0;x=2=u=3

3
oNén | =IJﬁdu
0

Cau 3: Tinh tich phan| = Icos3 X.sin xdx.
0

@. | 2—%72'4

Lai giai
Chon C

T
eTaco: | = jcos3 X.sin xdx .
0

. | =—7*

. | = \/Gdu

P — N

O.1 =%_j[\/adu

PP nhanh tric nghiém

® Casio: xét hieu bang 0

EM o B 5 'y
lex»}xz—l dx—jnﬁc'b
DGD! D!!

1
©. 1=0 @.l:—Z

PP nhanh tric nghiém

= S dung may tinh, tinh tich phan ham lugng
gi4c phai chuyén vé don vi radian.
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M v B

I
N . _ Jcos{x}adx
®Doi can: vl X=0=t=1wéix=r=>t=-1. g

*Dit t =cos X = dt =—sin xdx <> —dt =sin xdx

1 1 t41
. S I PR S B
oVay| = ‘l[tdt_:[ltdt_ﬂr

U B - Bai tap rén luyén:

1
Caul: Chotichphan I = j x(1—x)” dx. Ménh d& nao dudi day dung?
0

®. 1 =—Tt5 (1-t)dt.

©. 1= jtf’ (1-t)dt.

4

Cau2: Chol= jx 1+2xdx va u=~/2x+1. Ménh d& nao dudi day sai?

0

®. |=1(£—“—3I.

25 3

3

1
13
©. 1 =§!x2(x2—1)dx.

3

®. I=—j(t6—t5)dt.
O.1 =—j(t6—t5)dt.

A

®. 1 :J'uz(u2 ~1)du.

Cau 3: Tinh K:I ——dx.
> X =1
1,8 8
®. K=In2. .Kzzlné. ©. K =2In2. O.K =In=
Cau 4: Tich phém'[cos2 x.sin xdx bang
0
3 2 2 3
R ®. =. i =
®. - ®. ©. -2 oF
2
Cau’5: Cho | :IZX\/xz—ldx va u=x*—1. Ménh dé nao dudi day sai?
z , : .
®. I = [Judu. .|=§Jﬁ. ©. 1 = [Judu. ©.1=23
0 1
2 cot® x .
Cau6: Cho | =jsin X va u = cotx . Ménh dé ndo duoi day ding
%
% 1 1 1
®. 1 :Iu3du ®. | :Iu3du ©. 1 :—jusdu. O.1 :Iudu.
% 0 0 0
) s (e +1)e” ,
Cau7: Chol= j " dx.Pit t=+e"—1. Chon ménh d& ding.
In2 \/ex _1
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Céau 8:

Céau 9:

Cau 10:

Céau 11;

Cau 12:

Céau 13:

Céau 14:

®. |=2j’(t2+2)dt. ®. |=mj5(t2+2)dt.

In2

©. 1=2f(t* +2)t. ®.1- j(t2+z)d

4
Cho I = [ xy/L+2xdx va u=~2x+1. Ménh dé ndo dudi day sai?

0

®. I:%(u—;—u—;j . ®. I:iuz(uz—l)du.

1
1% 1 1%
_ - 2(y2 _ = 2(,2 _
©.I_2J1'x (x 1)dx. @.I_Z.!‘u (u l)du.
3
Tinh K = [ —d
5 X —1
®. K=In2. ®. K:%Ing. ©. k=2In2. O.K = In§
Cho I:I Sin? XdX VA u = cot x . Ménh dé nao dudi day ding
%
% 1 1 1
®. 1 :Iu3du ®. I=Iu3du ©. I=—Iu3du. ®.1 =Iudu.
z 0 0 0
4

In5 X
Cho I = _[ udx Dit t =+/e* —1. Chon ménh dé dung.

In2 \/e -1
®. |=2j(t2+2)dt. ®. I:].(t2+2)dt.

In2

©. 1=2f(t +2)t. ©.1=f(t +2)t.

T

3
Cho | = jsin x cos? xdx , khang dinh nao sau day diing?

1 1 1 1 2 2
L =<l<=. ®.0<1<=. =<l <=, —<l1<1.
@ 3 2 . 3 © 2 3 @ 3
o odx . , )
Cho | =I , M 1a so6 thuc duong. Tim tat ca cac gid tri caa m dé | >1.
o V2X+m
1 1 1 1
@. 0<m£z. 'mZZ' ©.m>0. @.ggmsz.

22
Cho tich phan | = j V16— x2dx va x = 4sint. Ménh d& nao sau day dung?
0

@. 1=8[(1+cos2t)dt. ®. 1 =16(sin*tdt .

O t—— [N
O'—.h\ﬁ
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T

3
(1-cos2t)dt. .1 :—16J‘cos2 tdt .
0

©. 1=8

O [N

1.C 2.B 3.B 4.B 5.C 6.B 7.C 8.B 9.B 10.B
11.C 12.B 13.A 14.A

e M Dang @: Tich phan déi bién chita tham sb a, b, ¢ cd ban ™

®-Phwvwong phap:

b
%, Pé tinh tich phan: 7= J.g(u(x))u'(x)cbc ta thuc hién cac budce:
® .Budc 1: Bién ddi dé chon phép dat ¢ =u(x) = dr = u'(x)dx

@. Budc 2. Thuec hién phép dbi can:
* Véi x=a thi t=u(a); x=>b thi t=u(b)

u(bh)
®. Budc 3. Puavé dang = [ f(1)di don gian va dé tinh hon.

u(a)

\_ J
% A - Bai tap minh hoa:

1
Cau 1: Cho biét IX\/ X?+1dx = a\/g_l v6i a, b 1a cac s6 tu nhien. Gia tri cia a® —b” bing
0

®. --5. ®. 5. ©. 2. ©.7.
Loi giai % PP nhanh triac nghiém
2Chon A eTinh tich phan roi luu laila A .
e Dit VX’ +1=t = x* +1=t*= xdx =tdt. R o 2Y2-1

eTaco Xx=0=t=1, x=1=>t=+2.

) &z tSJE N 'tablef(x)=x 2
oKhi do: [xy/x*+1dx = [t?dt =—| =272 —a=2, b=3. . ,
E[ -!‘ 3 3 0, End: 18, Step: 1.

1

-1 .
v4i Start:

oVay a?—h?=-5. ®Dugc cap so x=2 , f(x)=3

théa man. Suyra a=2,b=3.

¢ Inx )
Cau 2: Cho jﬁdx=a+bln2+cln3 véi a, b, ¢ la cac s6 hitu ty. Gia tri ciia 3a+b+c
1 X(Inx+2)
bang
®. -2. ®. -1. ©. 2. ©.1.
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Lai giai
2Chon B

1
e Dat t=Inx=dt==dx.
X

®Doican: X=1=t=0; x=e=>t=1.

oK hi do:
¢ Inx oot
Jl.x(lnx+2)2 ;[(t+2)2
tt+2-2. ¢ 1 2
e
2 (t+2) o[ t+2 (t+2)
1 1
:(In|t+2|+2.—j =—=—In2+In3.
t+2 0

eSuy ra: a:—%; b=-1; c=1.

®Do d6: 3a+b+c=-1.

In6 X

3 e
Cau 3: Biét | ———
'c[ 1++/e*+3
®. T=-1. ®. T=0.
Li giai
<Chon B
In6 X
o X6t | = je—dx.Dat t=+e*+3 =t?=¢*+3
o 1+4/e*+3
= 2tdt =e*dx.

eDdican x=0=t=2, x=In6=t=3.

3

3
®Khi do | :!tthldt :J;(Z—t%ljdt = (2t-2inft+1));

=2-4In2+2In3.

eSuyraa=2,b=-4,c=2nén T =a+b+c=0.

% B - Bai tap rén luyén:

©. 1=2.

% PP nhanh tric nghiém

dx=a+bIn2+cIn3 véi a, b, ¢ 1a cdcs6 nguyén. Tinh T =a+b+c.

O.T =1.

% PP nhanh tric nghiém
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

5
dx
Tinh tich phan | = | —=—— ta dugc két qua | =aln3+bIn5. Giatri S =a’ +ab+3b* la
P Jl'x\/3x+1 ' a '
®. 0. ®. 4. ©. 1. ©.5.
Cho | = In4de aln3+bln2+— véi a,b,c e Z. Khang dinh nao sau dau ding.
1 x(Inx+2)° 3’

@B. a2+b?+c?=1. ®. a?+b*+c2=11. ©. a2+b*+c2=9. D.a?+b?+c?=3.

4
Cho I%dx=alng+blnc , v6i a,b,c 1 cic s6 hitu ty. Gi4 tri cia 5a+15b—11c bang
2 37— X —
®. -12. ®. -15. ©. 14. D.9.
4
Biét I:I de =aln2+bIn3+cIn5, trong d6 a,b,ceZ. Tinh gid tricta T =a+b+c.
2 X°+X
®. T=2. ®. T=3. ©. T=-1. @.T =5.
5 1
Gid st tich phan | =| ——=dx=a+bIn3+cIn5(a,b,c € Q). Khi do:
jl1+\/3x+1 ( )
®. a+b+c:% ®. a+b+c:% ©. a+b+c:§. @.a+b+c:g
O o Towew
Cho jmdx=a£+bﬁ, v6i a,beR. Tinh gi tri biéu thic A=a+b.
5 1+cos2x
1 ® 7 2 4
®. 3 ®. T ©.3. @.3.
Cho J%dx a+bIn2+cIn3 vé6i a, b, ¢ 1a cacs6 hitu ty. Gia tri cia 3a+b+c bang
nx+
®. -2. ®. -1. ©. 2. ©.1.
3
Cho J. Inx 5 dx=§-ln3—c-ln2 v6i a, b, ce N* va phan sb E t6i gidn. Gia tri clia a+b+c
1 (x+1) b b
bang
®. 8. ®. 7. ©. 6. D.9.
In6 X
Biét | ——=dx=a+bIn2+cIn3 vdi a, b, ¢ 1a cac s6 nguyén. Tinh T =a+b+c.
}[1+\/ex+3
®. T=-1. ®. T =0. ©.1=2. ©.T =1.
Cho biét J.Md =%+b\/§, v6i a,b 1a cac s6 nguyen. Gié tri cia bicu
o1 S
thitc §+|nga bang
7
®. -1. ®. > ©.s. D.6.

v6i a, b 1a cac sb tu nhien. Gia tri ciia a® —b” bing

1
Cho biét Ix\/xz +1dx = ay2-1
0

b
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®. -5. ®. 5.

©. 2. ®.7.

| 1.D | 2.D \ 3.A | 4.A | 5.B | 6.A | 7.B | 8.A | 9.B \ 10.C | 11.A\

/{ M Dang 3®): Tich phan ham an doi bién s6 cd ban ’

~

®-Phwong phap:

u(b)

u(a)

[ Feodx =[ f@du=[ £ty =...
\“ a a

b
¢ T'inh tich phan I = _[ g(x)dx .Gid st g(x) dugce viet dudi dang f[u(x)]u/'(x)

strong d6 ham s6 u(x) c6 dao ham trén K , ham s6 y=f(u) lién tuc sao cho ham
hop f[u(x)] x4c dinh trén K va a,b 13 hai s6 thuoc & .

¢ Khi do Jf[u(x)] ' (x)dx = j f(u)du

¢ Chii yj: D61 véi bién s6 14y tich phan, ta c6 thé chon bat ki mot chit s6 thay
cho x. Nhu vay tich phan khong phu thudc vao bién tic 1a

% A - Bai tap minh hoa:

Cau :

9 4
Biét f(x)la ham lien tuc tren R va [ f(x)dx=9. Khi do gia tri ciia | f (3x=3)dx la
0 1

®. o. ®. 27. ©. 3. ©.24.
Loi giai % PP nhanh tric nghiém
QChonC ) m
® Néu co If(x)dx:M thi
® Dat u=3x-3, suy ra du=3dx. .
® Doican: x=1thi u=0; x=4 thi u=9. A M
'Tacé If ax+b)dx_;;
9 1 1 9 9 1 a b b
3 3dx=|=f u==|f =\ f ==.9=3 n=a. m=a.

_!- X —3)dx '([3 (u)du 3'([ (u)du _([ (x)dx 3 a+ B+

4 Apdl_mg

Vay | f(3x-3)dx=3.
J (@3 5,

Cau 2: Cho ham s6 f(x) lién tuc trén R va théaman f(x°*+2x—2)=3x—1 véi ¥xeR. Tinh

10
tich phan | :j f (x)dx

1
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105
®. Bt ®. 27. ©. 4, =
4 4 6
Loi giai % PP nhanh tric nghiém
SChon A .

o Dit x=t+2t-2=dx=(3t"+2t)dt,

P x=1=t*+2t=3t=1
e Po1can :
Xx=10=>t*+2t=12=t=2

eTa co | =f f(t°+2t-2).(3t° + 2t )t = j(3t ~1)(3t7 + 2t )t
1 1

—J%(9t3+3t2—2t)dt (L ey
o |4 4

1

2021
Cau 3: Cho Cho ham s6 f(x) lién tuc trén R va théa man I f (x)dx=2. Tinh tich phan

0

2021

| = ! X2X+1.f(ln(x2+1)).dx

®. 3. ®. s. ©. 1. O.-3.

Loi giai % PP nhanh tric nghiém
SChon C .

e Dt t=In(x+1)= dt =~ dx = —*—dx = =,
X +1 X +1 2

X=0=t=0

X =46 -1=t=2021

e Doican: {

2021 2021

1 1
e Taco |:§£ f(t)dtZE_([ f(x)dx==.2=1

N |

% B - Bai tap rén luyén:

Cau 1: Cho .[13 f (x)dx =4, khi d6 I: f (2x+1)dx bing
1 3
®. 8. ®. 2. ©'§' @E'
3
Cau 2: Cho ham s6 f(X) lién tuc trén R va thoa man If(X)dX:Z. Tinh
1
1
= [[ f(2x+1)+2x+1]dx.
0
®. 1=11. ®. 1 =3. ©. 1 =14. ©.1=6.
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9 1
Cau 3: Cho [ f(x)dx=10. Tinh tich phan J = [ f (5x+4)dx.
4 0
®. 3=2. ®. J=10. ©. 3=50. ©.J=4.
8 3
Cau 4: Cho ham sb6 f(X) lién tuc trén R va J.f(x)dx=10. Tinh | =§J. f (3X—1)dx.
2 1

®. 30. ®. 10. ©. 20. ©.5.

2 3
Cau 5: Cho f(x) la ham s6 chén, lien tuc trén R . Biét ring I f(x)dx=8 va _[ f(2x)dx=3. Tinh
-1 1
6

tich phan I f (x)dx.

-1

®). 14. ®. 11. ©. 5. D.2.
4 2
Cau 6:  Cho [ f(x)dx=2018. Tinh tich phan | = [[f(2x)+ f (4—2x)]dx
0 0
®. 1=0. ®. 1=2018. ©. 1=4036. ©.1=1009.

4 5 2 In2
Cau 7: Biét If(x)dx=5 va jf(x)dx=20. Tinh If(4x—3)dx—j f(ezx)ezxdx.
1 4 1
S
2

0

®. |=§ ®. 1=15. ©. I= ©.1=25.

4 2
Cau 8: Choff x dx = 2018 . Tinh tich phan |:f f(2x)+ f(4—2x)dx.
0

0

@. 1=0. ®. 1 =2018. ©. 1 =4036. ®.1=1009.

2
Cau 9: Giadsthamso f (X) lién tuc trén doan [O; 2] thoéa man I f (X)dx =6. Tinh tich phan
0

I =| f(2sinx)cos xdx.

®. 3. ®. -3. ©. 6. D.-6.

O N [y

4 1
Cau 10: Cho | = [ f (t)dt=9. Tinh tich phan J = [ f (3x+1)x.
1

0

®. 9. ®. 27. ©. 3. O.1.

1
Cau 11: Cho [ f(x)dx=2019. Gia tri cita | = | f (cos2x)sin2xdx bing

0
®. %19. ®. —g. ©. 4038. @.%.

o t— |y

4 2
Cau 12: Cho tich phan | =I f (X)dx =32. Tinh tich phan J =I f (ZX)dX.
0 0
=38.

®@. J=32. ®. J =64. ©. J
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1 2 3
Cau 13 hohams6 f X lién tuc trén R co J.Zf(x)dx=2 va jf(x+1)dx=4. Tinh | =I f (X)dx.
0 0 0

®. 1=5. ®. 1=4. ©. 1=6. O.1=7.
Cau 14: Choham o f (x) lién tuc trén R va T f (x)dx=2018. Tinh | =]£Xf (Xz)dx.
0 0
®. 1=1008. ®. 1 =2019. ©. 1=2017. ©.1=1009.
Cau 15: Cho ham s f () lien tuc trén R va c6 jf(x)dx=2;i f (x)dx=8. Tinh |=j f (j2x—1)dx
0 0

-1

®. 1=6. ®. |=§. ©. 1=5. ®.|:g
2 4 f \/_
Cau 16: Cho !f(x)dx=2 Khi d6 | :!%dx bing
®. 4. ®. % ©. 1. ©@.2.

1

8
Cau 17: Cho [ f(x+1)dx=10. Tinh J = [ f (5x+4)dx.
3

®. J=4. ®. J=10. ©. J=50. D.J=2

1.B 2.B 3.A 4.D 5.A 6.B 7.A 8.B 9.A 10.C
11.D [12.D [13.A |14.D |15.C |16.A |17.D
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Full Chuyén
dé 12 new
2020-2021

CHUONG (®: NGUYEN HAM-TICH PHAN-UNG DUNG “

FB: Duong Hung

[ Bai 5: DIEN TICH HINH PHANG ]

N—

/[ M Dang {:2: Phuong phap tinh phan titng phan cd ban

%. Dinh Ii:
® Néu u(x) va v(x) la cdc ham s6 c6 dao ham lién tuc trén [a; b] thi:
b
—Ivdu

a

b [} ‘ ] b
- Jv(x)u (z)dz . Hay judv = uv
a

a
a

a

ju(a:)v (z)dz = (u(:v)fv(:c))

% .Phuwong phap chung:
e Buéc1: Viét f(x)dx dwdidang udv = uvdz bang cich chon mot phan thich hop cua

7 (x) lam u(x) va phan con lai dv = v'(z)dx
e Budc2: Tinh du =u'dr va v= Idv = Iv'(:r:)d:z:
b

a

b
e Buoc 3: Tinh Ivu‘(;c)da: va w

a

% .Cach dit u va dv trong phwong phép tich phéan tirng phan.

a

Dit u theo thi ty wu tién: | ° ) b p ‘
L6-da-luong-mi ! P(x)e'dx :[P(m) In zdx _[P(a:) cos zdx j ¢' cos xdx

u P(x) Inx P(x) e’
do e dx P(x)dx cosxdx cosxdx

%.Chii ij: Nén chon u la phan cua f(x) ma khi 1&y dao ham thi don gian, chon dv = vdz la

phan cta f(x)dx la vi phan mot ham s6 da biét hodc cé nguyén ham dé tim. y

(_‘ M Dang @: Tich phan chita da thitc v6i ludng giac hoic mii
~

5 sin ax
@D. Loai 1: J-f(x) cosax |dx

eax

Y .Phuwong phap:

(= f(x) edu= ['(x)dx
sin ax sin ax
=
odv=|cosax |dx -v=j cosax |dx
eax ed\’
\_ _J
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% A - Bai tap minh hoa:

2
Cau 1: Tinh tich phan | = Ixexdx.
1

@A), | =e. ®. | =—e2.
Loi giai
Chon A
u=x du = dx
bat =
dv = e*dx v =g"

2 2
I :Ixexdx:xeX f—jexdx:Zez—e—eX z
1 1 .

:2e2—e—(e2 —e)=¢’

1

Cau 2: Tinh tich phan | :I(X—Z)e“dx.

® I:5—392 ®. I:5—3e2
4 4
Loi giai
Chon B
® Dit {u=x—2 = duz]_dx (chon C=0)
©|ldv=e¥dx  |v==e¥ "

1

5-—3¢?

1
= =(x-2)=e*
( )2

—%j;ezxdx =

0

Cau 3: Tich phan .[(3x+ 2)cos’ xdx bing
0

®. 32z ®. 324,
4 — 4

©. 1 =¢.

O®. 1 =362 —2e.

PP nhanh tric nghiém
@ Tinh tich phan

Ifxeﬁdx
7. 3R9056099
ANs+A

7. 359056099

+ Kiém tra cac dap an:

A—e® =0 (dtng).

PP nhanh tric nghiém

® Tinh tich phan:

| L cx-2362 0
-4.291792074

= Math &

Ans+E
-4, 291792074

+Kiém tra cac dap an:

= Math &

(5]

©. %72'24-72'. . %7[2—7[.
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Loi giai
Chon B

e Dit | :I(3x+2)coszxdx. Ta cé:

l_[ 3x+2)(1+cos2x)dx
20

NII—‘
1

||
o'—.k\ Oty O3

(3x+2) dx+j (3x+2 costdx}_;(lﬁlz).

V4

(3x+2)dx = (2 x? +2xj

=§7z2+27r.
o 2

(3X + 2)COS 2xdx. Dung tich phan ting phan

Uu=3x+2 du =3dx
oDt 1 . .
dv =cos 2xdx V:ESII’IZX
oKhi do
1 V3
L, E(3x+2)sm2x ——Istxdx
0
3 T
=0+=(cos2x)| =0.
4 0

*Vay | :%(gﬂ'z +27zj:§7z2 +7

% B - Bai tap rén luyén:

PP nhanh tric nghiém

® Tinh tich phan:
F] Math &

|Z (a2 cos o
100, 54379595

7] Math &

ANS*+C
10, 54379595

Kiém tra cac dap an:

<] Math &

(372 7)

1
Cau 1: Xét tich phan | =_[(2X2 —4)e”*dx Néu diit u=2x?—4, v'=e?*, ta dugc tich phan:
0

1
I =¢(X)|, - j 2xe?dx , trong do:
0

®. g(x)=(2-2)e>. ®. ¢(x)=(2x> - 4)e>".
§0) = 2 -0
3
Cau 2: Tinh tich phan I = Ixcos xdx
0
®.1==. ®. 1="+1.
2 2
1
Cau 3: Tinh [xe"dx
0
@. €. , e—1.

©. ) =(x?

_x _r 1

©.|_3 @.I—3 >
©. 1. ©. Le-1

—2)e’ @
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Caud4: L =_[xsin xdx
0

®' L=TE' - L:—2
Cau 5: '[(x+2)c052xdx

0

1

®. 0. ®. -=

4
Cau 6: I Xc0s2xdx bing

0

n—2 n—1
&5 ® 7

1

Cau 7: Tinh tich phan | = j (x +1)e¥dx

1
Cau 8: Tinh tich phan | = [ xe™dx
0

@- 1. . e—2.

1
Cau 9: Tinh tich phan | = [ (x+1)e”dx
0
5, 2
®. 1=2¢-Z%.
9 9
1
Cau 10: Tinh tich phan | = | xe'dx
0

@- 1. . e—2.

2 5
®.1-2-5¢
. 9 9

2 5
®. 1==-=¢°
® 7S

©. L-o0
oL

©. 3—%.

©. I=—e3—g.
©. 1-e.

©. |=—e3—§.
©. 1-e.

®.

N |-~

| 1.A | 2€¢ | 3¢ | 4A | 5A | 6A | 7A | 8D | 9.A | 10.D |

St-bs: Duong Hung

47




Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

J M Dang @: Tich phan chita da thitc va In

~N
®. Loai 2: [f In(ax+b)dx
®-Phwong phdp:
sy =Inx sdu = —dz
T
% . Dat: =
«dv=Pla)dz  |ov = [ P(a)dz = Q(x)
\_ J
% A - Bai tap minh hoa:
Cau 1: Tich phan len xdx bing
e’ 1 e’ e’ -1
L ®. 1. 1¢
4 4 . 4 4 @
Loi giai PP nhanh tric nghiém
Chon D ® Casio:
e 2
lenxdx=x— e+l
1 2
5
Cau 2: Tinh tich phan | = [(x+1)In(x=3)dx?
4
®. 10In2. ®. 10In2+lf. ©. %—mlnz ®. 10In2—19.
Loi giai PP nhanh tric nghiém
® Chon D ® Casio:
du = dx [5 e ines-aace
_Ju=In(x-3) X—3 4
*Dat &= x4l = 1 2.181471806
=X+ V:—X2+X Math A
ANS+A
. 5 5, X 4X 2. 181471808
2
IZ(EX +Xj|n(x—3)‘4— x—3 dx ® Kiém tra cac dap an:
4
fi- [mlnu::z:u—”]
5,2 5 _
=_| 5 lj-x 9+9 J-x 3+3dx 0
25 x-3 2 X=3
=§In2—E g+3+9In2 —(1+3In2)
2 2\ 2
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:10|n2—g.
4

Cau 3: Tinh J. x* Inxdx

1
2¢% +1 ® 2¢° -1
®. 5 ®. =
Loi giai
Chon A
1
du==—dx
u=Inx . X
dv = x*dx 1,
v=—X

e e

:I:(1x3lnxj —lszdx=le3—1x3
3 T
1, -1 _2+1

9 9

1

% B - Bai tap rén luyén:

Cau 1: Tinh tich phan | = j (X +2)In xdx
1

1 e’ -2
== .= .
®.1-1 2
Cau 2. Neudat 4 =M% thi tich phan | =
au 2. Neu dat dv=(2x+1)dx 1tich phan | =
— 2 e_e
®. I_(x +x)1 .!(x+1)dx.

e
e
©. I:lenx‘l+J‘xdx.
1

0
Cau 3: Tinh tich phanJ = [ xIn(x+1)dx
0

© 63—2 @ €3+2

9 9

PP nhanh tric nghiém

® Casio

2

©I_e +1 @ I_ez—l

4 4

'|.(2x +1)Inxdx tré thanh

®. 1= lean —j(x+1)dx.

1

e
1

O. I:(x2+x)lnx‘ +j(x+1)dx.

®. 1=2mn3. ®. J=2n3. ©. J=2m3. ®. J=3m3.
3 3 3 4
5
Cau 4: Tinh tich phan | = [(x+1)In(x—3)dx?
4
®. 10In2. ®. 10In2+%. ©. %—mlnz. O. 10|n2—%
3
Cau 5: Tich Phan | = [In(x* - x)dx la
2
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®. 3In3 | ®. 2In2 . ©. 3In3-2. ©. 2-3In3.
2
Cau 6: Tich phan | =I|:l(—zx X bing
1
1 1 1 1
®. E(1+In2)‘ ®. E(l—InZ), ©. E(InZ—l), ®. Z(1+In2)‘

b
Cau 7: Cho a>b>-1. Tich phan | = j In(x+1)dx bang bieu thic nao sau day?

®. 1 :(x+1)ln(x+1)|:—a+b. ®. 1 :(x+1)ln(x+1)|:—b+a.

b

©. I:(X+1) . O®. I—xln(x+1)‘ + X—+1dx

a

1.C 2.D 3.C 4.D 5.C 6.A 7B

M Dang 3): Tich phan chita titng phan chita tham sé a, b, c

e )
®-Phwong phdp: Tich phan tirng phan.
; sin ax
@. jf(x) cosax |dx . jf In(ax+b)dx
a eax
\ J
% A - Bai tap minh hoa:
e 2
Cau 1: Cho | :jxlnxdx _ae+b véia,b,ceZ. Tinh T=a+b+c.
®. 5. ®. 3. ©. 4. ®.6.
Loi giai PP nhanh tric nghiém
® Casio
PY ChOIlD f;M Vo O A
J xln(x)dx-+A
1 1
du ==—dx

o Tacs JU=INX X 2. 097264025

a co: dv  xdx nén 2

B V= Y + Tht C=1,2,3,4,5,6.. giai hé tim a,b nguyén.
v B
. e 5 1 472w+ 0.2Bw= 2,0972
j Inxdx-—lnx __J-de _¢e +l' 1w + 1y
2
1 1
2
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a=1
=<b=1.
c=4

eVay T=a+b+c=6.

% B - Bai tap rén luyén:

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

3e*+1 . .
v6i a,beZ . Tong a+b bang

Cho st In xdx =
1

®. 20. ®. 10. ©. 17. ®. 12.

2
., fIn . .
Biet I—ZXdX:9+a|n2 trong d6 ae R ; b, cla cac s6 nguyén duong va nguyén to6 cing nhau.
. X c
Tinh gia tri cia 2a+3b+cC.
®. 6. ®. 5. ©. 4. ®. -6.
) (nx b . b
Cho tich phan | =I7dx=g+aln2 v6i a la so thue, b va € 1a cac s6 duong, dong thoi — 1a
C
1
phan s6 t6i gian. Tinh gia tri ctia biéu thitc P =2a+3b+c.
®. P=6. ®. P=5. ©. P=-s. ®. P=4.
2
Cho I(x+1)exdx=ae2+be+c vai @, B C 13 cdc s6 nguyen. Tinh a+b+c.

1

®. 3. ®. 4. ©. 1. ©. 0.

e
Biét | :Ix2 Inxdx =ae®+b véi a, b la cac s6 hitu ti. Gia tri cia 9(a+b) bing
1

®. 3. ®. 10. ©. 9. D. 6.

e
Biét | = J.X?' Inxdx =ae’+b véi a, b 1a cac s6 hitu ti. Gia tri ctia 9(a+b) béing
1

®. 3. ®. 10. ©. 9. ®. 6.

2

Inx a . .
Cho | :J ~dx=—=In2-Inc véi a, b, C 1a cac s6 nguyen duong va a la phan so toi gian.
1 (x+1) b b
Tinh gia tri ciia biéu thitc S = a+b :
C
5 8 6 10

2
Biét I(2X+ex)exdx =ae' +be?+cvdi a,b,c 1a cac s6 hitu ti. Gia tri ciia 2a+3b+2¢ bing
0

®. 9. ®. 10. ©. s. O. 7.
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2
.. rInx b .
Cau 9: Biét I—de=—+aln2 . Gia tri cia 2a+3b+C bang.
| X c

®. -6. ®. 4. ©. 5. D. 6.

5
Cau 10. Cho Iln(xz—x)dX:a|n5+b|n2+C v6i a, b, ¢ lacacsd nguyeén. Tinh S=a+2b—c.
2

®. s=23. ®. s=20. ©. s=17. ©®. s=11.

| 1.A | 2¢ | 3D | 4C | 5.A | 6.A | 7B | 8B | 9.B | 10.A |
Huéng dan giai

4
Cau 1: < Dit u=|nx:>du=1dx; dv:xsdx:v:xz.
X

4 e 4 e
—1=|ImxX —EJ'X?’dx:e—— ix4
4 41 4 16

1
a=4
:>{ =a+b=20.

: et e 1 3+l

= + —=
4 16 16 16

1

b=16
Cau 2:
u=Inx duzldx
*Dat 1 = X
dv=—dx 1
X V=——
X
2 2 5 2
*Ta co Im—zxdx=(—llnxj +ji2dx:—lln2—l = Lot l
1 X L o1X 2 XL 2 2
. 1
°Theodétac<’)a=—§,b=1,0=2.
*Do d6 2a+3b+c=4.
Cau 3:
u=Inx du—dx
B Ty — 2 2 - -1)2
*Dit dx = X—1= Inx +Ii?_dx= Inx+_1 =1—In—2
dv=— -1 X |1 9x X x )1 2 2
X V=—
-1
:>b=1,c=2,a:?:>P=2a+3b+c:4.
Cau 4:
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u=x+1
eDat ta dugc du=dx,v=e".
dv = e*dx

2 2
[(x+1)edx=(x+1)e* |} - [e'dx = xe"|; =2¢” —e.
1 1

=a=2b=-1c=0=a+b+c=1.

Cau 5:
du=£dx
u=Inx X
*Dat ,, taco ;
dv = x“dx X
V=—
3
3 2 3 30e
'Suyralzx Inx —IX_dX:e__X_ :g_e3+_
o 3 9| 9
_ 2 1
*Vay a=§,b=§ nen9(a+b):3
Cau 6:
du:ldx
u=Inx X
DAt ) ta co 5
dv = x“dx X
V=—
3
3 € e 2 3 38
'Suyral=x Inx —J.X_dxze__x_ :g_e3+_
1 13 3 91 9
~ 2 b 1
‘Vaya=§, =§ nen9(a+b):3
Cau 7:
*Taco
2 2 2 )
= mxzdx:_pnxd(ijz_(i.nxj ot ax=—tino (E_L »
1 (x+1 ] x+1 X+1 1 1 (x+1)x 3 I x x+1
:_—In2+(ln|x|—|n|x+]4) =§In2—|n3:> bo3—g_ath_8
c=3
Cau 8:
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u=2x+e" du=(2+ex)dx
*Dat: ta dugce .
dv =e*dx v = e~

eKhi do: i(2x+eX)ede :(2x+eX)eX

0

S—_Z[(Zex +e” Jdx
0

2

:(2.2+e2)e2 —(2.0+e°)e° —(ZeX +lezxj _Leiy0e2y 3
2 2 2

0

*Theo baira ta cod a=%; b=2; C=E

°V%n2a+$H2c:2%+32+Zg:10
Cau 9:
2
*Goi | :Im—zxd
1 X
°Ap dung phuong phap nguyén ham ting phan ta co:
u=Inx du=ldx
*Dit 1 = X
dV:—de 1
X V=——
X
2 2 2 2
|:_In_X _J‘ _1 Ed :_In_2 J.izd)(:_lmz_l :_E|n2_ 1_ :i_lmz
X1, 31U X)X 1 X X|, 2 2
:3a:—3mzxc=z
2
*Vay 2a+3b+c=4.
Cau 10.
2x-1
u=In(x*-x du = dx
°Dét{ ( ):> X2—Xx .
dv =dx V=X
2 5 22x-1
qﬁﬂdéjhﬂxz—xﬁx=thx2—x) —I———dx
> 2 5 x-1

5
=5|n20—2|n2—j(2+i1]dx =5In(5.2")-2In2—(2x+In|x-1))
2

5
X— 2

=5In5+8In2—-(10-4+In4-In1) =5In5+6In2-6.

*Suyra a=5,b=6,c=-6=S=a+2b-c=5+2.6+6=23.
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M Dang @: Tich phan chira titng phan ham an
~

—

Y. Phwong phdp: Tich phan timg phan.
0. Viét f(x)dx dudi dang udv = wvdz bang cac hgp cta f(x) lam u(x) va
phan con lai dv = v'(z)dz
®. Tinh du =u'dz va v= jd‘u = jfu’(:c)d:r

b b
©. Tinh I?Ju’(a:)da: va uv
[ a
_J

\_
% A - Bai tap minh hoa:

4
Cau 1: Cho f(x) 1a ham s6 ¢6 dao ham tren [1;4] , biét If(x)dx=20 va f(4)=16, f(1)=7.Tinh
1
4
I :Ixf'(x)dx.
1

@ 1=37. ®. 1=47. ©. 1=57. O. 1=67.

Loi giai % PP nhanh tric nghiém

SChon A

4
o Xét | =jxf '(X)dx, dung phuong phap tich phan ting phan :
1
u=x du =dx
dv = f’(x)dx:> v="f(x)

e Do do: |:xf(x)\j_ff(x)dx:u(4)_f(1)_ff(x)dx

=4.16-7-20=37
Cau 2: Cho ham sé f(X) c¢6 dao ham lién tuc trén doan [0;2] va thoa man f(0)=27
2 2
[(2x-4).f(x)dx=4. Tinh tich phan | = [ f (x) dx.
0 0
®. 1=2. ®.1=-2. ©. 1 =6. D. 1=-6.
Loi giai % PP nhanh tric nghiém
2Chon B °
2
® Ta co: j(2x—4).f '(x)dx=4.
0
u=2x-4 du = 2dx
oDat =
{dv= f'(x)dx {v: f(x)
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eNen i(2x—4).f (x)dx =(2x~4).f (x)|] _Zi f (x)dx

=4.f(0)-21 =8-2I.

® Theo gia thiét ta co: 4=8-21 <2l =41 =2.

U B - Bai tap rén luyén:
1

Cau 1: Cho f(X) c6 dao ham lien tuc tréen R va théa man f(2)=16, If(ZX)dXzG. Tinh
0

Oy N

x.f'(x)dx ta duge két qua
®. 1=14. ®. 1=20. ©. 1=10. D. 1=4.
1
Cau 2: Cho f(X) c6 dao ham lien tuc tren R va théa man f(2)=16, If(ZX)dXzG. Tinh
0

I = | x.f'(x)dx ta duge két qua

O ey

®. 1 =14. ®. 1=20. ©. 1 =10. O. 1=4.
3
Cau 3: Cho ham s6 f(X) c6 dao ham tren R va théa méan IX- f'(2x—4)dx=8; f(2)=2. Tinh
. 0
I :I f (2x)dx.
-2
®. 1 =-5. ®. 1 =-10. ©. 1=5. ©. 1 =10.
1
Cau 4: Cho ham s6 f (X) lién tuc trén [0;1] . Biét j[x.f'(l—x)— f (X)]dX:%. Tinh f (0)
0

1 1
®. f(0)=-1. ®. £(0)=3. ©. 1(0)=-3.  ©. f(0)=1.
3 1
Cau 5: Cho ham sb f(X) lién tuc trén R va f(3)=21, j f (x)dx =9. Tinh tich phan| =.[X.f'(3x)dx
0 0
®. 1=15. ®. 1 =12. ©. 1=0. D. 1=6.

Cau 6: Cho ham s y = f () lién tuc va c6 dao ham trén R théa man 5f (x)—7f (1-x)= 3(x2 —2x)

1
,Vx e R . Biét rang tich phan | :IX.f "(x)dx :—% .Tinh T =8a-3b.
0

®. T=1 ®.T=0 ©. T=16. ®. T=-16 .
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2
Cau 7: Chohamso f (X) ¢6 dao ham lién tuc trén tap hop R théa méan I f (3X—6)dx =3va f (—3): 2
1
0
. Gid tr clia [ x f'(x)dx béng
®. -3. ®. 11. ©. 6. O. 9.
2
Cau 8: Chohamsé y= f(X) c6 dao ham f'(x) lien tuc trén [0;2] va f(2)=3, If(x)dX:3.
0
2

Tinh Ix.f’(x)dx.

®. -3. ®. 3. ©. 0. . 6.
Cau 9: Chohamsé y=f(X) c6 dao hamla f'(x) lien tuc trén doan [0; 1] va f(1)=2. Biét

1

If( )dx =1, tinh tich phan I_Ixf X)dx.

®. 1=1 ®. 1=-1. ©. 1=3. ®. 1=-3.

1 1
Cau 10: Cho ham s6 f(x) théa man [(x+1) f*(x)dx=10 va 2f (1) f (0)=2. Tinh I = [ f (x)dx.
0 0
®. 1=8. ®. 1=-8. ©. 1=4. ®. I =-4.

Cau 11: Chohamsb f(x) co dao ham lien tuc trén doan [0;2] va théa man f(2)=16,
2

'[f( )dX 4. Tinh tich phan I—J.Xf 2X)dX

®. 1 =12. ®. 1=7. ©. 1=13. D. 1=20.

2
Cau 12: Chohamsd y=f (X) c6 dao ham lién tuc tréen R va thoa man f (—2) =1, J. f (2X—4)dx =1.
1

0
Tinh J.xf'(x)dx

-2

®. 1=1, ®. 1=0. ©. 1=-4. ©. 1=4

5
Cau 13: Chohamsé y=f x théaman f x*+3x+1 =3x+2, Vx€R. Tinh I:fx.f/ X dx.

®. % ®. L. ©. %. ©. -1761.

4

1B | 2B | 3B | 4C | 5D | 6B | 7A | 8B | 9.A |10.B|11.B | 12.B | 13.C

L3i giai chi tiét
Cau 1:

2

Jl-f (2x)d(2x) = If(x)dx:12.

0

1
*Taco _[f (2x)dx =6 =
0

N |~
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Cau 2:

Cau 3:

Cau 4:

2
*Xét | =Ix.f'(x)dx
0

Dat u=x du =dx
“ dv:f'(x)dx: v="f(x)

*Khi d6 | = xf (x) 2_

0 f(x)dx=2f(2)-12=20.

O ey N

2

jf (2x)d(2x) = _[f(x)dx=12.

0

1
*Ta cod If 2X)dX 6=
0

N |-

2
*Xét | :Ix.f'(x)dx
0

Dat u=x du =dx
“ dv:f'(x)dx: v="f(x)

*Khi d6 | = xf (x) 2_

0 f(x)dx=2f(2)-12=20.

O ey

3
* Xét J=[x-f'(2x-4)dx=8.
0

eDit U=X va dv= f’(2x—4)dx=d[% f (2x—4)j,ta dugc du=dx va v=

1 3 17 3
=] :Ex.f (2x—4)‘0—5.([ f(2x—4)dx =5 f(2)-

N
O ey

3 3
Vi J=8 :3—%If(2x—4)dx:8 = [ f(2x—4)dx=-10
0 0
Dit 2t =2x—4 = 2dt =2dx < dt =dx
*Ddi can:
X 0 3
t] 2 [ 1
1 1
l,=[ f(2t)dt= [ f(2x)dx=-10,
-2 -2
*Vay I =-10.
1
*Taco A= I[xf (1-x)—f(x)]dx = Ixf (1-x)dx jf(x)dx.
0

1
*Dit | =_[x.f’(1—x)dx.
0

f(2x—4)dx =3-

N

f(2x-4).

N |

i f (2x—-4)dx.
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Cau 5:

Cau 6:

Cau 7:

Dit u =x du =dx
“ dv:f’(l—x)dx:> v =—f(1-x)

*Khid6 | =—f (l—X).X“ﬁ-j f(1-x)dx=—f (0)+j f(x)dx

*Do do6 A:—f(0)+

O e

f(x)dx_i f(x)ek= < £(0) =

du =dx
u=Xx
*Dat = 1 .
{dv =f'3x)dx |v= 3 f (3x)

1

*Suy ra | ——X f(3x) 0

1 1%
f (@)= f(3)—§£f(x)dx=6.

Wk

]

*Vay | =6.

*Tac6: 5f (x)-7f(1-x)=3(x*-2x)

eLan lugt chon x=0,x=1, ta c6 hé sau :

.{Sf(l)—7f(0)=—3<:> {(0)-

5¢(0)- 7 (1)=0 f(0)-=3
i
8

1
eTinh | =Ix.f (X )dx
0

Dat u=x ch du = dx
T ldv= ()

Dit x=1-t =J :—I f (1—t)dt:j‘ f(1-x)dx=K . Suyra 5] -7K =3j-(X2—2X)dX=—2
0 0

1

J=K
°Tach: =J=K=1
5] -7K =-2

- a=3
wWay 1=2-1-3_, —T=8a-30=0
8 8  |b=8
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*Dat t =3x—6=dt =3dx.

*Ddican: x=1=t=-3, x=2=1t=0.

if(Bx 6)dx == j (t)dt = 3=>j t)dt= 9:>j X)dx =9.

Dat u=x du =dx
“ dv:f'(x)dx:> v="f(x)

’KhldOIXf X)dx = xf()‘ if(x)dx=0.f(0)+3.f(—3)—9:—3.

Cau 8:
e Taco :[x.f'(x)dx :ixd(f (x)) =x.f (x) :—j: f(x)dx =2f(2)-3=3.

1
Cau9: Taco: | :IX.f '(x)dx
*bat u=x=du=dx, dv=f'(x)dx chon v= jf Jdx = f (x)

-:u:x.f(x)\j)_jf(x)dx:l.f() 0.f (0)- jf( )dx=2-1=1
Chon A 0 0
Cau 10:

1
. A:f(x+1) f'(x)dx Dat u=x+1=du=dx, dv=f'(x)dx chon v= f(x)
1

*= A=(x+1).f (x)‘1 —j' f (x)dx:Zf(l)—f(O)—j f (x)dx:2—.1[ f (x)dx:10:>.1f f(x)dx=-8

0

0 0
Cau 11:
du =dx
Dt = f(2
ldv=f'(2x)dx v:%.

2

*Khi do: |—m ——j (2x dx—L—lJ‘f(t)dt=E—1.4=7.

2 2 49 2 4

Cau 12:
'Datt—ZX 4 = dt = 2dx dmcanX 1=>t=-2, x=2=>1t=0.

‘1= jf(2x 4)dx_§if dt:»j dt_2:>j x)dx=2.
1 -2

*Diit u—x:>du:dx,dv=f’(x)dx:>v=f( ).
0

“Vay jxf (x)dx =xf (x), - [ f (x)dx =2f (-2)-2 =21-2=0.
-2

Cau 13:

Dat u=x du = dx I - 5f d
° = XTI X — X ax.
“ dv=f’xdx:> v=fx:> |l »[

f 5=5x=1

5
£ 129 x—0 , suy ra |:23—ff X dx.

Tt f x}*+3x+1 :3x+2:>{
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, dt = 3x*+3 dx
Dt t=x"+3x+1=
ft =3x+2
eDoican: Vi t=1=1=x+3x+1l<x=0vat=5=x*+3x+1=5<x=1.

° ! Casio
*Khi d6 |:23—ff X dx:zs—f 3x+2 343 dx = 3743
1 0
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Full Chuyén
dé 12 new
2020-2021

CHUONG ®: NGUYEN HAM-TICH PHAN-UNG DUNG _
FB: Duong Hung o

[ Bai 5: DIEN TICH HINH PHANG J

 Dang (1): U'ng dung ctia tich phan tinh dién tich hinh phing.

~

@. Hinh phang giéi han béi y = f(x),0x,x =a,x = b.

e Dién tich S ctia hinh phing giéi han bai do thi ctia ham s6 f(x) lién tuc trén doan [a;b] ,

h
truc hoanh va hai duong thing x =a,x =b dugc tinh theo cong thitc |S = _”f(x)’dx (1)

a

(2. Phuong phap tric nghiém:
*Tinh chat: Ham s6 y = f(x) lién tuc trén K (khoang doan, ntta khodng) va a,b,c 1a ba sb

b ¢ h
bat ky thuoc K. Khi do, ta c [ f(x)dx=[ f(x)dx+ [ f (x)dx

* Xac dinh céc yéu t6 can thiét nhu cong thic y = f(x),Ox,x=a,x=».

*Sit dung chitc ning tinh tich phan c6 sin trong may tinh Casio dé tinh.

o Chai j: Néu deé bai chua cho x =a,x=b ( can tich phan) thi ta can gidi phuong trinh hoanh do
giao diém f(x) =0 dé tum can tich phan.

N\ J

% A - Bai tap minh hoa:

Cau 1: Dién tich hinh phing gi6i han bdi dd thi ham s6 y = cos® X, truc hoanh, duong thingx=0 va

®. 2 ®.%- ©. . ©.5.

Loi giai % PP nhanh tric nghiém
2Chon D e Casio
e Diéntich S can tim:
x 71 2 1 |7 sin2x|w
S:_[ coszxdx:j 2HCOSEX 2 x[F SneX\r_ 7
0 0 2 2 |0 4 (0 2

Cau 2: Dién tich hinh phang giéi han béi do thi ham s6 y = x* —4x, truc hoanh, dudng thing X = -2

va X=4 la.
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®. 44. ®.24. ©. 48.

Lai giai
PChon A

® Dién tich can tim S = I_:‘X‘?’ - 4X‘dx

x=0
®T'a cO: X3—4X=X(X2—4)=0c>
X=%2

oVay S = I_Z‘XS —4x|dx + _[Oz‘x3 — 4xfdx + _[24‘x3 — 4xfdx

x* 4x? xt X2
+ = |+ =—42
4 2 4 2

4
2

0
-2

2
0

=44

(X4
4 2

Cau 3:

thing x=1 va x=2 la.

®. 2. ®.In2-1. ©. In2+1.
Lai giai
9Chon D
x-1
® Phuong trinh hoanh do giao diém: —==0< x=1
X
*Suy ra
2 X_l 2

—In2.

(x—lnx)12:

-3

.!‘X

S:!_

% B - Bai tap rén luyén:

©.2s.

% PP nhanh tric nghiém

® Casio

) R . x-1
Dién tich hinh phang gi6i han béi d6 thi cia ham s6 f(x) =——, truc hoanh, hai duong
X

@.1—In2.

% PP nhanh tric nghiém

® Casio

Dién tich S ctia hinh phéng gi6i han bdi d6 thi ctia ham s6 y = f (x)lién tuc, truc hoanh va

©.s =T f (x)dx—i f (x)dx.

Cau 1:
hai duong thang x =a, Xx=b dugc tinh theo cong thiic:
b b
®. Szﬂf(x)‘dx. .Sz‘[f X)) dx
©. s=[ (e 1(x
Cau 2: Dien tich hinh phing gi6i han bdi cac dusng y=x*—-x, y=0, x=0 va x=2 dugc tinh bdi

cong thic:
2

®. I(x—xz)dx.

0
1

. X —X)dX+_[ X —X)dX

0

j(x2 —x)dx—.:f(x2 —x)dx.
@.:[(xz—x)dx
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Cau 3: Dien tich hinh phang dudc gisi han bdi do thi ctia ham sdy = x*, truc hoanh va hai duong
thing x=-1, x=3 la.
28 28 1 4
®. = ®.= ©. = ®.2
9 3 3 3
Cau 4: Dién tich hinh phang gi6i han béi do thi ham s6 y=sinX+1, truc hoanh va hai dudng thang
7
X=0 va x= ?ﬁ la.
®. £ 7—7[—1 .£+7—”+1. ©. £+7—7[+1. @£ 7—7[—1
6 2 6 2 3 6
Cau 5: Dién tich hinh phang gi6i han bdi ham s6 y = xy/x* +1, truc OX va dudng thang X =1 la.
22 +1 W2-1 2421 3-2
®. ®. ©. ©.==
3 3 3 3
Cau 6: Tinhdién tich S ctia hinh phang dugc giéi han béi do thi ham s6 y = X.In (3X +1) , truc hoanh
va hai duong thing x=0; x=1
4 1 2 1 7 1 8 1
.S==In2-=. ®.S==Ih2-—. . S=—In2-—. S=-In2—-—.
® 9 12 ® 9 12 © 9 12 © 9 12
Cau 7: Dien tich hinh phang giéi han bdi do thi ham s6 y =Inx, truc Ox va duong thing x =e la.
1
®. 1. .5—1. ©. e. @.2.
Cau 8: Dién tich hinh phéng gi6i han béi do thi ham s6 y=e€*, truc OX, truc Oy vi dudng thing
X=2 la.
2
®. e+4. ®.e?—e+2. ©. e?+3. D.e?-1.
Cau 9: Tinh dién tich hinh phng giéi han béi d6 thi ham s6 y = x* —2x* +1 v truc Ox
1 1
®. s=1. ®.5=2. ©.s--. @.szﬁ.
Cau 10: Dién tich hinh phang gi6i han béi d6 thi ham s6 y =—x>+3x* v truc hoanh la.
27 5 4 24
L= ®.=. iy =
®. 2 ®: ©. 02
Cau 11: Dién tich hinh phing gi6i han bdi dudng cong y =—x*+2X v truc hoanh I3
4 29 8 20
®. . ®.2. ©. =. O©.=.
3 3 3 3
Cau 12: Dién tich hinh phing gii han béi dd thi ham s6 y = x* —1 va truc hoanh la
7 8 1
®. -. ®.=. ©. =. @.1.
4 5 2
1.A 2.B 3.B 4.B 5.C 6.D 7.A 8.A 9.D 10.A | 11.A | 12.B
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M Dang @: ’'ng dung ctia tich phan tinh dién tich hinh phing.

f@-Phu‘o’ng phap:
eDién tich hinh phéng gisi han béi hai do thi: (C, ) (Y= f(x) ,(Cz) (Y= g(x) va hai duong
thing x =a,x =b dudc xac dinh bdi cong thitc: § = J'b|f(x)—g(x))dx .

Y

(C):y=f(x)
N [CABEIRE

xX=a

x=b

S = 1)~ f,00)]dx

% Chi y: Dé pha b dau gia tri tuyeét dbi ta thuong lam nhu sau:

eTinh: §= I:

.f'(x)_g(x)|dx +J:2 f(x)- g(x)| dx ++Lb
J;/( ()= (o)) ot [ (1) - ()

®Ngoai cach trén, ta co thé dua vao do thi dé khit dau gia tri tuyéet déi.

£ (%)= g () dx

= +...+

.

* Giai phuong trinh: f(x)=g(x) tim nghiem x,,x,,....x, €(a;b), (x, <x, <..<x,).

~

% A - Bai tap minh hoa:

Cau 1: Tinh dién tich hinh phéng gi6i han bsi dd thi ham s6 y=2-X* va y =x.

®. % ®.7. ©. 5. @.%.

Laoi giai % PP nhanh tric nghiém
SChon A ® Casio:
® Phuong trinh hoanh do giao diém ctia hai do thi la Mo e A
X=-2 j_2|x2+x—2|dx

2—x2:xc>x2+x—2:0<:>{
x=1

(][ ds}

e Dién tich ciia hinh phéng can tim la

1

S= ”—xz—x+2‘dx:
o)

1
(—x% —x+ 2)dx
o)

) In x
Cau 2: Goi S ladién tich ciia hinh phang giéi han béi cac duong y=—-, y=0, x=1, X=¢€. Ménh

NG

dé ndo dudi day dung?

St-bs: Duong Hung 65




Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

®. s- ﬂjlnx ,Szjln—zxdx. ©.S=j(l?(—zszdx. @.Sznj(l?(—zszd

Loi giai % PP nhanh triac nghiém
2Chon B ¢ Casio
In X| 4
® Taco S= I
e Vi Vxelle], Inx>0:>—>0:>s jln_zx
X
1

Cau 3: Tinh dién tich S ctia hinh phéng gi6i han béi cac dusng y = (X +1) InXx , truc hoanh va dudng
thing x=e.

2 2 7 2 2
@_S:e +5- -S:e+ . ©'S:e +3. @’S:e +9
4 6 2 8
Loi giai % PP nhanh tric nghiém
9Chon C ® Casio

e Xét phuong trinh hoanh do giao diém:

(x+1)Inx=0 (biéu kién: x>0).
X+1=0 Xx=-1
= = .
Inx=0 x=1
®Vix>0nén x=1.

e Tacod: S :.eﬂ(x+l)ln x‘dx :j(x+l)ln xdx .
1 1

1
U=|nX du =;dX
® Pt =
dv =(x+1)dx NG

% B - Bai tap rén luyén:

Cau 1: Tinh dién tich hinh phing gi6i han b&i d6 thi hai ham s6 y=—x*+4 va y=-X+27

5 8 9
@.7. .5. ©. > D.o9.
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Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

. . 2 e e X . 2 < Z X _1 < .
Goi S la dién tich hinh phang giéi han bdéi do thi cia ham so (H ): y= ol va cac truc toa
X+

do. Khi d6 gia tri cia S bang

®. 2In2-1. ®.In2+1. ©. In2-1. ©@.2In2+1.

Tinh dién tich hinh phing gi6i han bai d6 thi ham s6 y = x* +1 vi dudng thing y=Xx+3.
9 ® 13 11 7

@.2. ..3. ©.3. @.2.

Tinh dien tich hinh phing giéi han béi hai do thi ham s6 y=+/x; ¥ =6—X va truc hoanh.
22 16 23

®. £ ®.2. ©. 2. ®.22.
3 3 3

Tinh dién tich hinh phing gi6i han béi do thi cdc ham sd y=X*—X va y=3x.

®. 5=2. ®.s-% ©. s-=9. ©.s=%.
3 3 3
Dién tich hinh phing giéi han bai parabol (P): y=x*—2x va dudng thing (d):y=x bang

17 11 9 23

Dién tich hinh phiing gi6i han béi parabol y=-X* va dudng thing Y =—X—2 bing

9 5 11 1
®. . ®.;. L= ©.5-V2.

2
Dién tich hinh phing gi6i han béi do thi ham s6 y=Xx* va dusng thing Yy =2X la
4 5 3 23
®. 2. ®.2. ©. =. 0.=.
3 3 2 15
Tinh dién tich S ciia hinh phing (H) gi6i han béi cac dudng cong y=-x>+12x va y=—X’

(A)_sz%. .8—343 ©_sz¥. @.&%.

12

2 P 2 1
The tich khoi tron xoay khi quay hinh phang (H) xéc dinh béi cac duong y = 3 x*—x*,y=0

, X=0 va X=3 quanh truc Ox la
81x ® 5 7ix 7
- 35 '35 - 35 '35

Dién tich hinh ph&ng giéi han béi dd thi cac ham s6 y=—x*+2x+1 y=2x*—4x+1 la

®. 8. ®.5. ©. 4. ®.10.

Dién tich hinh phang gi6i han béi hai parabol y = % x> vi y=6-X° bing

28 /2
®. j[——Gj ®. | (X——6jdx.
_2J§ 2
2y3 /2
©. j[——6] ©.- | [X——G]dx.
23 2
Dién tich S ctia hinh phing gi6i han b&i do thi hai ham s y=-x* va y=x*-2x 13

9 7 37 4
@.S=Z. .5:5. ©. s="". @.S=§.

12
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Goi S la diéen tich hinh phing giéi han béi cac d6 thi ham sb6: y=x>—3x;y=x. Tinh S?
®. s=a. ®.s=8. ©. s=2. ©®.s=o0.
Hinh phing gigi han béi cac duong cong y = X(l— X) va Yy = x> =X co dién tich bing
37 5 8 9
®'E' 'E' ©. 3 ®'Z'
Dien tich S cfia hinh phing gidi han bi cac duong Y=X —2X-1va y=-X"+3 Ia
®. s=9. ®.5=-9. ©. s=3. @.szg.

Tinh dién tich S ctia hinh phéng giéi han béi db thi ciia hai ham s6 Y =X>—3X+2 va
y=X+2.

®. S=8. ®.5=4. ©. S=12. ©.S =16.

Dién tich hinh phang gi6i han béi parabol y=x?—-3x+1 va dudng thang Yy =X+1 dugc tinh
theo cong thitc nao duédi day?

®. i(x2—4x)dx. .jl.(—x2+4x)dx. ©. j(x2+4x)dx. @.i(—xz—ZX)dx.

0

Tinh dién tich hinh phing gi6i han béi cac dusng y* +x—-5=0,x+y-3=0.
19 15 37 9
e ®.=. = =

6 2 6 © 2

Dién tich hinh ph&ng giéi han béi cac dudng y=x°, y=10—X vi truc Ox 1

®. 32. ®.26. ©. 36. ©.40.

1.C 2.A 3.A 4.A 5.D 6.C 7.A 8.A 9.A 10.A

11.C | 12.C | 13.C | 14.B | 15.A | 16.A | 17.A | 18.B | 19.D | 20.C

M Dang 3): Dién tich hinh phing thong qua db thi

®-Phwong phap: N
%.Minh hoa cdc dang thuong gdp:
f(x)ZO,Vxe[a;b] f(x)s(),‘v’xe[a;b] f(x) c6 hai loai dau trén [a;b]
fix) yA

| X

>
v
>

fix)
b b c b
S = [ fx)ax S =[[-f(x)]dx S = [ fde+ [[-f (x)] e

\_

&. Ghi nhé: * Quan sat hinh phang mang dau + hay -
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% A - Bai tap minh hoa:

Cau 1: Chohamsby = f (x)va y = g(x) c6 do thi
giao nhau tai hai diém phan biét co
hoanh dé a va b. Goi (H ) 14 hinh phing
dugce gidi han béi do thi hai ham s6 nay
(phan té dam & hinh vé).

Dién tich cua (H) duge tinh theo cong ?
thic

b
@.Szj[f(x)—g(x)]dx. ®.s

b
©. 5= [ (x)+g(x)]x ©.s

Loi giai % PP nhanh triac nghiém
<Chon B ® Quan sat nhanh g(x)> f ()

b
e Ap dung cong thic S = ﬂ f(x)—g(x)px. y }.=%ﬂ

® Quan sat hinh vé ta thay g (X) > f (X) trén [a, b]

b

® Vay S :;ﬁ f (x)—g(x)‘dx:f(g(x)— f(x))dx.

a

Cau 2: Chohamso y=f (X) lién tuc trén doan [a; b] . Goi D la dién tich
hinh phéng gi6i han béi do thi (C):y = f(x), truc hoanh, hai
duong thang X=a, X=Db (nhu hinh vé dudéi day).

Gia stt S, la dién tich hinh phang D . Chon cong thitc ding
trong cac phuong an A, B,C,D cho duéi day?

®. s, =if(x)dx+if(x)dx. ®.s, =—if(x)dx+if(x)dx

a

Loi giai % PP nhanh tric nghiém
<Chon B ® Quan sat dau ctia hinh phéng
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S, :i‘ f (x)‘dx=J:"f (x)‘dx+J:"f (x)[dx

=—jf(x)dx+_|.f(x)dx

a 0

Cau 3: Cho hinh thang cong (H ) gi6i han bdi cac duong y=¢€*, /
y=0, x=0, x=In4. Duong thang x=k(0<k <In4)
chia (H) thanh hai phan c6 dién tich 14 S, va S,nhu

hinh vé bén. Tim k dé S, =25, . /
5,

2
®. k==In4. ®. k=In2. — ¢ :
3 a k In 4
8
©. k=Inz. ®. k=In3.
Loi giai % PP nhanh tric nghiém
2Chon D f ”
e“dx
h o _ ok o Tinh Nhap vao may -2 ;
® Taco S, = [e'dx=e"| =e*~1 va inh Nhap vao may —— va
0 IeXdX
k
nt a ) CALC véi céc gia trj cia A lan luot
°S, = I e'dx=e’| =4-e & 4 phuong an. Gia tri nao cho két
“ 0 qua bang 2 thi chon.
®Taco S, =25, <> e ~1=2(4-¢") = k=In3.

% B - Bai tap rén luyén:

Caul: Chohamso y=f (X) c6 do thi nhu hinh duéi day.

Dién tich hinh phing giéi han b&i dd thi ham s6 y= f (X) va ’
truc Ox1a
2 0
®. s :jf(x)dx—j f (x)dx
0 -1 X
2 1 0 1
®. S:jf(x)dx.
p
©. s=[-f(x)dx
N 2
O. s :I f (x)dx—j' f (x)dx
-1 0
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Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho ham s6 y = f (x) lién tuc tréen R va ¢6 do thi (C) la dudng cong nhu hinh beén dusi.
Dién tich hinh phing gigi han bai do thi (C) , truc hoanh va hai dudng thing x=0, x=2

la

y = f(z)
-

1 xr

jf(x)dx—j:;f(x)dx. Y
0

O';.l—‘
—h
—_
>
~—~—
o
>
+
—
—
—_
>
~
o
>

Cho d6 thi hai ham s6 y=x°—3x*+Xx+3 va y=—Xx"+2x+1 nhu hinh sau
Dién tich phan hinh phing dudc gach soc tinh theo
cong thitc nao dudi day? Y

y=x—3224+x+3

®. j(x3—2x2—x+2)dx+i(—x3+2x2+x—2)dx.

WA\
-1 1 \2 \

®. i (x*—2x* —x+2) dx.. \1 4
e \

©. j(—x3+2x2+x—2)dx+J2'(x3—2x2—x+2)dx.

-1 1

O. j(—x3+2x2 +x—2)dx.
)

Cho ham s6 y = f(x) lién tuc trén R va c6 do thi 14 duong cong nhu hinh bén. Dién tich hinh
phang giéi han béi d6 thi, truc hoanh va hai duong thing x=0,x=2 la

®. s =—j f(x)dx+i f(x)dx .
.S=_l[f(x)dx—_2[f(x)dx.

©. s=

JZ' f (x)dx

@.S:jf(x)dx.

Dién tich phan hinh phéng gach chéo trong hinh vé dugc tinh theo cong thiic nao dudi day?

®. ‘2[(2x2 —2x—4)dx.
©. j(2x—2)dx.

®. i(—2x+2)dx.

O. T(—sz + 2x+4)dx )
-1
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Cau 6: Cho do thi ham s6 y = f (x) nhu hinh vé.Dién tich S ctia hinh phing dudc gidi han bsi do
thi ham s6 y = f (x) va truc Ox dugce tinh béi cong thiic

®. S:if(x)dx.

®.s =] f(x)dx. il h\

-3

©. szjf(x)dx—if(x)dx. /

-3

D.s :_l[ f (x)dx+_3[ f(x)dx.

-3

Cau 7: Dién tich hinh phing gi6i han béi parabol y = (x—2)?, dudng

cong Y = X° va truc hoanh bing

11 73 |\
®. 2 ®. 12° / 1
7 5 // N
©. E @E /() 2 X

Cau 8: Hinh phing gi6i han bdi d6 thi ham s6 Y= f(X) va truc

hoanh gom hai phan, phan ndm phia trén truc hoanh cé6 dién “T |

8 L.
tich S, == va phan n3m phia duéi truc hoanh c6 dién tich + |

5 0 2+ ﬂ
SZ:E.TinhI:If(3X+1)dX. /
4 o\ | .-/
N ¢ |
I 1
®.|=§ .|=§. I|II2 O
3 4 |
37 27 |I 2L
== d=—. |
© 36 @ 4 .Ill

Cau 9: Dien tich phan t6 dam trong hinh bén dugdc tinh theo cong
thitc nao trong cac cong thitc sau?

®. j(—x3+3x2 —2x)dx.

0

@

( 3_3x? +2x)dx.

=y

(—x3+3x2 —2x)dx.

o
ot—n

© ©

(x3—3x2 +2x)dx.
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Cau 10: Goi (H ) 14 phan hinh phing gach chéo trong hinh vé duéi "

2

y=3z°

day dugc giéi han bi dd thi ctia cac ham sé y=3x*,
y=4—X va truc hoanh. Dién tich cla (H) 13 bang bao

nhiéu?

11 9
®. ==, ®. 2.
2 2
13 7 e
©.—. @,—, y=4-=z
2 2
Cau 11: Cho hams6 y=f (X) lién tuc trén R va cé do thi nhu hinh vé "
Y
dudi day. Biét dien tich hai phan Ava B 1an luot 1a % v %, é
tinh [ f(2x+1)dx.
_1 //
253 253 =
®. =22 ®. =22,
12 24
125 125
©. —H- @-—E

Cau 12: Tinh dién tich S ciia hinh phang (phan gach soc) giéi han béi hai do thi ham s6
f (X) = \/;; g (X) = X—2 trong hinh sau

y
2 ______________________________
®. & ®.2
2 k-
7 10
©. 3 O3 o 4 X

Cau 12: Goi §la dién tich hinh phing (H ) gi6i han bdi cac duong y = f (X), truc hoanh va 2 duong
thfmg X=-1,X=2 trong hinh vé bén.

0 2 Y
Pat S, = [ f(x)dx,S, = [ f(x)dx. Menh dé nao sau day
-1 0

dang?
®. s=5,+5,. ®.5=-5,-5,. V4
©. s=5,-5,. ©®.s=5,-5,. J 0 ~z
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Cau 13:

Cau 14:

Cau 15:

y

Dién tich hinh mit phing gach soc trong hinh vé bén bing

®. '|3.2de. .j’(z-zX)dx.

©. I(ZX—Z)dx. @.i(zuz)dx.

1

Dién tich ctia hinh phéng dugc gii han béi do thi ham sé y = f (X), truc hoanh va hai dudng

thing x=a, x=b (a < b) tinh theo cong thitc nao dudi day ?

®. S=jf(x)dx+ff(x)dx.

.Sz'Tf(x)dx.

©. sz—jf(x)dx+if(x)dx.

a

©.s=

If(x)dx

Cho ham s6 y = f (X) ¢6 do thi nhu hinh vé duéi day. Dién tich hinh phéng dugc tinh bing

cong thitc nao?

yl\
®. S:_Tf(x)dx-j.f(x)dx.
.S=if(x)dx+j‘f(x)dx.
’ b i a (0] b x>
©. s =2 f(x)dx.

@.S=Tf(x)dx.
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Cau 16: Cho do thi ham s6 y = f (x). Dién tich hinh phang la:

().S:if(xﬁx+§f(xﬁx. X
.S=j-f(x)dx. ) 01 Y I
©. S=jf(x)dx.

@.ssz(x)dx—j

-3

f(x)dx.

Cau 17: Cho do6 thi hams6 y=f (X) trén doan[O; 4] nhu hinh vé va ¢6
11 9 F
dien tich §; ===, S, = Tinh tich phan | = [ £ (x)dx
0
8 19
®. 1=-2 ®.1==—".
3 3
8 19
== d=—=.
© 3 @ 3
Cau 19: Cho do thi hamsd y=f (X) trén doan [—2; 2] nhu hinh vé § bén va c6 dién tich
22 7% ) ‘
31=52:E’ 33=E.T1nht1ch phan | =:[f(x)dx || ll
I /\ I
32
®. 1==2. ®.1=8. '| | |'
15 |I / \ I|
18 32 L e |
©- | =—. d=——. 2] 1 1 | =
5 © 15 sof 7 (S
1.D 2.A 3.A 4.B 5.D 6.C 7.C 8.B 9.B 10.A
11.C 12.D 13.D 14.C 15.C 16.A 17.D | 18.D. | 19.A
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Full Chuyén
dé 12 new
2020-2021

CHUONG ®: NGUYEN HAM-TiCH PHAN-UNG DUNG

FB: Duong Hung

[ Bai 6: THE TICH VAT THE TRON XOAY ]

M Dang (1): Bai toan Thé tich vat thé:

~

% . Phuong phap:
® Goi B laphan vat thé gi6i han béi hai miit phédng vuoéng goc véi truc Oz tai cac diém a va b;
S (x) ladién tich thiét dien ciia vat thé bi cat bsi mat phang vuong goc véi truc Oz tai diém x |

(a<x<bh). Gidsit §(x) la ham s lien tuc trén doan [a;6]

1 1

—

-~

st N

* Khi d6, thé tich ciia vat thé B duge xac dinh: |V = [ §(x)dx

N\ J

% A - Bai tap minh hoa:

Cau 1: Tinh thé tich V ciia phan vat thé gisi han béi hai miit phing x =1 va x =3, biét ring khi
cit vat thé bsi mit phing vuong goc véi truc Ox tai diém c6 hoanh do ¥ (1<x<3) thi

duge thiét dien 14 mot hinh chit nhat c6 do dai hai canh 1a 3x va V3x°=2.
®. V =32+ 2415, .V=12¥. ©.vz%4. ©.V = (32+2J15)~.

Loi giai % PP nhanh tric nghiém
2Chon C ® Ta nhap biéu thitc
3
e Dién tich thiét dien la: S(X) =3x+/3x* -2 J3X-\/ 3x* —2dx nhu sau :
1
3
® Thd tich vat thé la: V = [3x+/3x* — 2dx = % . y3Q(s3Q(dp2R1E3=
! e Man hinh hién thi :
Vo E &

[P3x {3272 ax

41.33333333
Chon C
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Cau 2: Trong khong gian v6i hé toa do Oxyz , cho vat thé nim giita hai mat phing x=0va x=3.
Biét riing thiét dién ctia vat thé cit bdi mat phing vuong goc véi truc OX tai diém c6 hoanh

do X(O <x< 3)1a mot hinh vuong canh 14 V9—x* . Tinh thé tich V ctia vat thé.

®. VvV =171 ®. Vv =171r. ©. v =18. ®.v =187 .

Loi giai % PP nhanh tric nghiém
9Chon C ® Casio
3 2 3M Vi @ A
e Tacothé tich cnavatthé la V = j(x/Q —x? ) dx JD 9—x"dx
’ 18
3 X3 3
= J(Q - X’ )dx = (9X—§J =18. ® Chua y: Dién tich hinh vuong
0 0

% B - Bai tap rén luyén:
Cau 1: Trong khong gian v6i hé toa do Oxyz , cho vat thé (H ) gigi han bai hai mat phing c6 phuong

trinh X=a, x=b (a<b). Goi S(x) la thiét dién cia (H) c&t bdi mat phing vuong goc véi
truc OX tai diém c6 hoanh do 1a X v6i a<x<b.Gidsthamsd y=S (X) lién tuc trén doan

[a; b] . Khi d6 thé tich V cia vat thé (H) duge cho bdi cong thic
b 5 b b 2 b
®.v=z[[s(x)] dx.®. v=rz[s(x)dx. ©.v=[[s(x)] dx. ©.v=]s(x)dx.
a a a a

Cau 2: Trong khong gian Oxyz , cho vat thé dugc giéi han bi hai mat phing (P), (Q) vuéng géc véi
truc OX lan lugt tai X=a, X=Db (a < b) . Mot mat phing tity ¥ vuong goc vsi OX tai diem
c6 hoanh do z, a<x<b cat vat thé theo thiét dién c6 dientichla S X v6i y=5 x Ia

ham s6 lien tuc tren [a;b] . Thé tich V ciia thé tich d6 duge tinh theo cong thiic

®. V:j.SZ(x)dx.
©. V :ﬂTS(X)dX. @.V :ﬂiSZ(X)dX )

Cau 3: Cho phan vat thé @ dugc giéi han bdi hai mit phang (P) va (Q) vuong goc voi truc Ox tai
x=0, x=3. Cit phan vat thé ® bdi mit phing vuong goéc véi truc Ox tai diém c6 hoanh do
bing X (0<x<3) ta dugc thiét dien 1a hinh chit nhat c6 kich thude 1an lugt 1a X va +/3—x .
Thé tich phan vat thé ® bang
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277 12437 1243 27
®'T' ®. _— ©'T‘ @T‘

Cau 4: Cho phan vat thé (H) gi6i han bdi hai miit phéng c6 phuong trinh Xx=0 va x=2. Cit phan
vat thé (H) béi mat phing vuong géc véi truc OX tai diém c6 hoanh do x (0 <x< 2) , ta
dugc thiét dien 1a mot tam giac déu c6 do dai canh bing x+/2—x . Tinh thé tich V ctia phan
vat thé (H)

3
@.vzg. .Vzg. ©. v =43 O.v =+3.

Cau 5: Cho vat thé c6 mat day 1a hinh tron ¢6 ban kinh bang 1 (hinh vé). Khi cit vat thé béi mit
phing vuong goéc véi truc Ox tai diém c6 hoanh do x (—lS X< 1) thi dugc thiét dién 14 mot
tam giac déu. Tinh thé tich V ctia vat thé do.

®. v =+3. ®. v =33. ©.V:4—\/§. O.v

I
N

N - 2 T . N
Cau 6: Cho phan vat thé B giéi han bdi hai mat phang c6 phuong trinh X=0 va X= 3 Cat phan

vat thé B bdi mit phing vuong goc véi truc OX tai diém c6 hoanh do x (0 <x< %j ta
dugc thiét dien 14 mot tam gidc vuong c6 do dai hai canh géc vuong lan lugt 14 2X va cosx.
Thé tich vat thé B bing
@ \/§7Z'+3 \/§7Z'—3 © \/§7Z'—3 @\/572'
. ra— \ 3 . . rat

Cau 7: Tinh thé tich V ctia vat thé nim gitta hai mit phang X=0 va X =7, biét ring thiét dién clia
vat thé bi cit bsi mat phang vuong goc vai truc OX tai diém c6 hoanh do x (0 <x< 72') 1a
mot tam gidc déu canh 2+/sinx .

®. Vv =3. ®. vV =3r. ©. v =2243. D.v =2.3.

Cau 8. Tinh thé tich vat thé giéi han bdi cac miit phing X=0 va X =1, biét thiét dien ctia vat thé
khi cit béi mit phang vuong goc véi truc OX tai diém c6 hoanh do X (0<x <1) 1a mot hinh

vuong c6 do dai canh x(e* —l) .

_Z _e-1 _1 _ze-1)
@.v_z. ®.v = — ©.v > O.v .

Cau 9. Citmot vatthé V  Dboihai mit phang songsong P, Q lan lugt vudng goc vai truc OX
. 4 4 NP P a2 i 7T ¢
tal X= _E , X= E Mot mat tiy § vudng goc véi truc OX tai diém X (—E <X SEJ cat V

theo thiét dién c6 dién tich 1a S(x)=(1+sin’x)cosx. Tinh thé tich vat thé V giéi han boi
hai mat phang P , Q .
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1
®. 314, ®. g ©. % @.8?”.

Cau 10.  Tinh thé tich cua vat thé nam giira hai mat phang x =—1 va x =1, biét rang thiét dién cua vat thé
bi cat béi mat phang vudng goc vai truc OX tai diém c6 hoanh do X(—1<x<1) la mot tam giac

vudng can cé canh huyén bangv1-x* .

3 2
®'Z' -g- ©.4. .

A

1.D 2.B 3.C 4.B 5.C 6.C 7.D 8.C 9.B 10.B

Huéng dan giai
Lai gii
Cau 3.
Chon C

*Ta c6 dién tich thiét dien la S(x)=x+3-x.

3 3
*Vay thé tich phan vat thé @ la: V = [ S (x)dx = [ xy/3= xdx 1243
0 0

5
Cau 4.
Lai giai
Chon B
) 2(2—x)~/3
*Dién tich thiet dién: S, = w
2x*(2-x)/3 2 2 ’
°V, :I(—N_dx :ﬁfxz(Z—x)dx :ﬁsz(Z—x)dx =£(gx3—1x4j _¥3
T 4 4 4 4 \3 4 o 3
Cau 5.
Lai giai
Chon C
*Tai vi tri ¢c6 hoanh do x (—1S X< 1) thi tam giac thiét dién c6 canh 14 24/1—X° .
2
Do d6 tam gide thiét dién c6 dien tich S (x) =(21—x" ) % )
= \/g(l— x2) . O @ .
1
*Vay thé tich V clia vat thé 1a j J3(1-x")dx = ?.
-1
Cau 6.
Lai giai
Chon C
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Cau 7.

Chon D

*Vay thé tich V = IS

Cau 8.

Chon C

*Thé tich vat thé B 1a V =

*Dién tich tam gidc déu S(x)=

/4

Ot w [N

o i o = J3r-3
xcosxdx:xsmx|g—_[smxdx:xsmx|g+cosx|g= 5

L&i giai

Bl

3sinx.

X)dx = J\/_smxdx 24/3.

L&i giai

*Taco: V = .[S(x)dx J'[ (e —1)de:j'x(ex—1)dx.

~ [u=x
"Dat: {dv:(eX

*Do dé: V = x(e” _X)E) —j;(eX —xJdx = e—l—[eX —X?J

Cau 9.
Chon B

3
*Ta c6 thé tich vat thé V can tinh la: v= j S

du =dx

—1)dx:>{v:ex—x'

2 1

:e—l—e+1+1=1 .
0

Lai giai

'—.N\N

1+ sin x)cosxdx.

MR

*Dit t =sinx = dt =cosxdx.

+Déi can: x=—%:t=—1; x=%:>t=1.

-v:jl(1+t2)dt _(

Cau 10.
Chon B

3
t+t—
3]

8
-

-1

Lai giai
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2 4

1 \/17}2 1(1_)(4)

*Ta c6 dién tich thiét dién duoc cho bang: S (x)= _(T

{57t

*Ta c6 dién tich thiét dién duoc cho bang: S (x)= 37

1 1
* Thé tich vat thé cAn tim 13; V = IS(X).dx: J.%(l—x“)dx:é.
e

-1

M Dang @: Bai toan Thé tich vat thé tron xoay quanh truc Oz ~

% . Phuong phap:
e Tinh thé tich vat thé tron xoay sinh b&i mién (D) gi6i han bdi v = f(x) ; y=0va x=a,x=5b

khi quay quanh truc Ox.

(€):v=f(x)
(Ox):v=0
x=a

x=b

b
® Phuong phap giai: 4p dung cong thic: ¥V = EII:f (x)]2 dx
\ d

% A - Bai tap minh hoa:

Cau 1: Cho ham s6 y = f(x) lién tuc trén doan ':a; b} . Goi D & hinh phing gi6i han bdi do thi
ham s6 y = f(X), truc hoanh va hai duong thing x =a,x =b(a<b). Thé tich khéi tron
xoay tao thanh khi quay D quanh truc hoanh dugce tinh theo cong thiic

@.vzzZTfZ(x)dx. .Vznj'fz(x)dx. ©.V:;z2_Tf(x)dx. @.vzznifZ(x)dx.

Loi giai % PP nhanh tric nghiém

2Chon B e Cong thic

b
e xelab]tacoV =;rj f2(x)dx

Cau 2: Tinh thé tich ctia khoi tron xoay dudce tao thanh khi quay quanh truc hoanh hinh phing giéi
han béi do thi ctia cdc ham sé y=2Inx,y=0,x=1x=¢€.

®.x. ®.e-2. ©.z(e-2). ©.4z(e-2).
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Loi giai % PP nhanh triac nghiém

<Chon D ® Casio

e Mo B i

) 2 €

.COV=4ﬁj|n xdx =47l ?IL(Eln{x}}de

1

1 9. 026195662
=In? du=2Inx=d
® Dat y nx:> ! XXX ﬂﬂis-ﬁﬁ "
dv =dx VX

9. 026195662

e
® Suy ra I:xlnsz—Zjlnxdx:e—Zl' \
1

M vor B
A-dx(e-2)

u=Inx du:ldx

® Dit = X 0
dv =dx

V=X

e
® Suyra I'=xIn x|f—jdx:e—e+1:1
1

® Suyra l=e-2

® Vay V :47r(e—2)

Cau 3: Goi (H) 12 hinh phang giéi han bdi cac duong: y =sinx;Ox ;x=0;X=7. Quay (H) xXung

quanh truc OX ta duge khéi tron xoay co thé tich 1a

2
Loi giai % PP nhanh triac nghiém
9Chon A °
® Thé tich khdi tron xoay la MI[ o B 4
. o - 1 T ﬂjnsin{x}zdx
\Y; =7r_[sin2x.dx=—'f(1—0052x).dx=—(x——sin ZXJ ==
] 29 2\ 2 0 2 4.934802201
M 2\"3" ] &
K
A=

% B - Bai tap rén luyén:
Cau 1. Goi (H) la hinh phing giéi han béi cdc dudng y=+/xInx, truc Ox,x=1,x=¢. Tinh thé tich
khéi tron xoay duge tao thanh khi quay hinh phang (H) quanh truc OX.

”(e2+1) ®. 71'(9—1). ©. n(e+1)' @.ﬁ(ez_l).

4 ' 3 3 4

®.

St-bs: Duong Hung 83



Tai liéu giang day HS TB-Yéu hiéu qud cao — FB Duong Hung

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Tinh thé tich vat thé tron xoay do hinh phang gidi han b&i y =+/Inx , truc OX va dudong thang
X =2 quay xung quanh truc OX.

®. 2In2+1. ®. 27In2+7. ©. 27In2—r. ®.2In2-1.

Cho hinh phang D gi6i han v6i dudng cong y=+/x*+1, truc hoanh va cac dudng thang
x=0,x=1. Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao
nhiéu?

@.vz%’f ®.V=2r ©.V:% O.v=2

Cho hinh phing D giéi han bdi dudng cong y =+/2+sinX, truc hoanh va cac dudng thang
Xx=0, X=7 . Khbi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich V
bang bao nhieu?

®. v =27, ®.v=2z(z+1). ©.V=2z. O.v =2(z+1).

Cho hinh phéng (H) gi6i han bdi cac duong y=x*+3, y=0, x=0, x=2.Goi V la thé tich
ctia khoi tron xoay dugc tao thanh khi quay (H) xung quanh truc Ox. Ménh dé nao dusi day
dang?

®. v =xf(x +3) dx. ®. v =rf(x +3)dx.

©. V=j(x2+3)2 dx. @.sz‘(x2+3)dx.

Cho hinh phéng (H) gi6i han béi cdc dudng thing y=x"+2,y=0,x=1x=2. Goi V la thé
tich ctia khoi tron xoay duge tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé nao duéi
day dang?

2 2 2 2
®. v :nj(xz +2)2 dx.®. vV :_[(x2 +2)2 dx. ©. V :zj(xz +2)dx DO.Vv :J‘(x2 +2)dx .
1 1 1 1
Viét cong thitc tinh thé tich V ctia khéi tron xoay duge tao ra khi quay hinh thang cong, giéi

han béi do thi ham s6 y = f (X) , truc OX va hai dudng thang x=a,x = b(a < b) , xung quanh
truc OX.

@.Vz;rjlfz(x)dx. .V:sz(xﬁx. ©.V=7zjlf(x)dx. @.V:hf(x)‘dx.

Ki hiéu (H) 1a hinh phéng gi6i han béi d6 thi ham s6 y =2(x—1)e”, truc tung va truc hoanh.
Tinh thé tich V ctia khéi tron xoay thu dugce khi quay hinh (H ) xung quanh truc Ox

®. v =4-2e. ®.v=(4-2¢)z. ©.V=¢-5. ©.v =(e’-5)x.
Tinh thé tich ctia khoi tron xoay dude tao thanh khi quay quanh truc hoanh hinh phang giéi

han bai d6 thi ciia cac ham s6 y=3x—x%,y=0.

16 16 81 16

15 15 157z
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Cau 10: Tinh thé tich ctia khéi tron xoay dudc tao thanh khi quay quanh truc hoanh hinh phang gisi
han bdi d6 thi ciia cac ham s6 y=x%,y=0,x=1.

T Ar T T

7
Cau 11: Tinh thé tich ciia khéi tron xoay dudc tao thanh khi quay quanh truc hoanh hinh phing gisi
han bdi do6 thi ctia cAc ham s6 xy =9,y =0,x=1x=3.

@. S547. . 6. ©.127[. @ 6.

Cau 12: Tinh thé tich ctia khéi tron xoay dudc tao thanh khi quay quanh truc hoanh hinh phang gisi

R . 1
han béi do thi cia cac ham s Yy = COS(;ZX), y=0,x=0,x=—.
Vs

®'7z(7z+2). ‘ﬂ(Sin2+2). ©-sin2+2' ®-7[+2.

8 4 4 8
Cau 13: Tinh thé tich ciia khdi tron xoay dudc tao thanh khi quay quanh truc hoanh hinh phing gisi
han b&i do thi ctia cac ham s6 y=c0s*X,y=0,x=0,Xx=7.

’ 3T 3r? 4

BANG DAP AN

1.D 2.C 3. A 4. B 5. A 6. A 7.A 8.D 9.C 10.D

11.A 12.B 13.C

M Dang (3: Bai toan Thé tich vat thé tron xoay quanh truc Oz

% . Phuong phap: \

e Tinh thé tich vat thé tron xoay khi cho hinh phing gi6i han bsi: y = f (x) V=g (x) quay quanh
truc Ox .

® Phuong phap giai:

(. Giai phuong trinh: f(x)=g(x)cé nghiem x=a, x=5
b
(2. Khi d6 thé tich can tim : V = 7rﬂf2 (x)-g° (x)|dx

(3. Casio:

N\ )

% A - Bai tap minh hoa:
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Cau 1: Thé tich ctia khdi tron xoay khi cho hinh phang gii han bdi Parabol (P) Yy =Xx° va
duong thang d :y =2X quay quanh truc OX bing

®. 7Z'j.4X2dX—7Z'J2. x*dx . ®. n_?(xz —2x)2 dx .
0 0 0

2 2 2
©. 7Z'J.4X2dX+7Z'.[X4dX. ©. 7[(x* —2x)dx.
0 0 0
Loi giai % PP nhanh tric nghiém
<Chon B o
® Phuong trinh hoanh d6 giao diém ctia (P) va d la
X= O 4

x2:2x<:{
X=2

P M WSS RSN .

2
®Thé tich ciia khoi tron xoay la 7 [(2x)2 —(x* )Z}dx
0

e

= 7r2 4x2dx—7z2 x*dx
J ]
0 0

Cau 2: Thé tich khdi tron xoay sinh bdi hinh phang giéi han bsi do thi hai ham sb
y =Xx*—2X,y=4—-x* khi né quanh quanh truc hoanh la:

421 12
iy ®.27x. ©. 2. ©.307.
15 3
Loi giai % PP nhanh tric nghiém
<Chon B °
e Xét phuong trinh hoanh d6 giao diém: 2T
, , , x=-1 A & \ \
oX —2X=4-X"=2Xx"-2x-4=0& : [ i\ N
X = ‘\‘ TR, | (e L~
T X / \\_7)
e Do khi quay quanh truc hoanh thi khéi sinh bgi hinh 4 /- /
phéng gii han boi db thi ham sé y = x? —2x, trychoanh, | [ LA

—0'x=2 s&namt khdi sinh bai hinh phi NPT .
Xx=0;Xx ‘2 s€é nam rong o1 sinh bat hinh phang gidi e Chii § phin rét dé thiéu phin
han bai d6 thi ham s6 y =4—x?, truc hoanh, x=0;x=2.

2
2 M N —_— 2 2
e /4y thé tich can tinh bang: Vi= ”I(A'_X ) dx
0

V= (;zi(4— x) dX—ﬂ'i(Xz ~2x)’ dX]-I—ﬂ':[(Ar— x?) dx

203 38 256 421
=—T——A+—— T =—"TT7
15 15 15 15

% B - Bai tap tham khao rén luyén:
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Cau 1: Cho hinh phang trong hinh (phan t6 dam) quay quanh truc hoanh. Thé tich cua khéi tron xoay tao
thanh dugc tinh theo cdng thac nao?

®.v =100~ 1o
-V=ﬂi 200 £2(0)]ox.
©.v = ;zj ?(x) .
@vﬂ [ 1,09~ 1, ()] ox.

Chon B
*Do f,(x)> f,(x)Vxe(a;b) nén Chon B
Cau 2: Tim cong thic tinh thé tich caa khd
(P):y=x* vaduong thang d:y =

®. (x2 —2x)2 dx .

N ot—

©. 72_[ Ax%dx + 7z.2[ x*dx.
0 0

Chon A

Phuong trinh hoanh d6 giao diém: x* —2x=0< {

S AC)
/
£2(x)
N
O a b X

Léi gidi

i tron xoay khi cho hinh phang gioi han boi parabol
2x quay xung quanh truc OXx.

®. ﬂj.4X2dX—7Z'J2- x*dx.
0 0
O. ﬁj‘(ZX—XZ)dX.
Loi gidi 0

=0
=2

*\/ay thé tich khdi tron xoay dugc tinh: V = 7Z'I x* — 2X)

Cau3: Chohinh (H) gi¢i han bai truc hoanh, d6 thi ciia mot Parabol ¥4

va mot duong thang tiép xtc voi Parabol d6 tai diém A(2;4), Sl B
nhu hinh v& bén. Thé tich vat thé tron xoay tao bai khi hinh !
(H) quay quanh truc Ox bing
21 l
167 ®. 327 i
®. 15 ®. 5 i
27 227 '
©. &, ©.2Z, o 1 2

3 5 /

Léi giai
Chon A

*Parabol c6 dinh la géc toa d6 nhu hinh v& va di qua A(2;4) nén ¢6 phuong trinh y =X,

*Tiép tuyén cua Parabol d6 tai A(2;4) c6 phuong trinh 1a y =4(x—2)+4=4x—4.

2 2
*Suy ra thé tich vat thé tron xoay can tim 13 V = z.f(xz )2 dx—;z.[(4x—4)2 dx .

O ey O
—~
>

N

512

X

32 f X3
=< j4x 4)° dx = 16j x —2x+1)dx 16(——x +x]
5 3

0
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2 2
Vay V = 2Y dx— [ (4x—4) dx = (¥—Ej=16—”.
ay ”!(X)X”!(X)X”ss 15

Cau4: Goi (H) la hinh phang duoc gidi han boi cac dd thi ham
sé y=2xy=_"% y—0 (phin t6 dam mau den & hinh v& bén).
X

Thé tich cua vat thé tron xoay tao thanh khi quay (H) quanh truc
hoanh bang.

@.V:ﬁ(g—Zan) ®.v= ;z(3+2|n2j
©.V=n(2ln2—§j. @.V=7Z’(2|n2+§j.

Loi giai

Chon A

*Phuong trinh hoanh d6 giao diém ciia y=2x va y = 1=x la:
X

x#0
1-x x=0 1 1
X =— & ) S x== S X=—.
X 2x°+x-1=0 2 2
x=-1
) ,7 . . Xx=0
*Phuong trinh hoanh d¢ giao diemcua y=2x va y=0 la: 2x=0 << _ | < x=0
2X°+x-1=0

Phuong trinh hoanh d¢ giao diém ciia y=0 va y = 1 la:
X

1—X X0 X#0
— =0 = <:>X:1.
X 1-x=0 x=1

1 1

2 L1 y\2 3 1 2 1
-V:ﬁj4xzdx+ﬂj(l—xj dx _;z4i +;zj(1—1j dx=1r4 j(———+1]dx

0 10 X 3 0 1\X 6 1
2 2 2

Cau5:  Tinh thé tich cua khdi tron xoay khi quay hinh phing gi¢i han boi cac duong y = x> -4,
y=2x—4, x=0, x=2 quanh truc Ox.
32n @ 32n 327 295
®. = ®. =% ©. . ©.2Z.
Loi giai
Chon A

sTaco V, =nj.(X2 —4)2dx:21—556n v, _7rJ2.(2x—4)2 dx:3—32n.
0

*Vay thé tich cAn tim V =V, -V, = 3?‘

Cau 6:  Cho hinh phing (H) gi¢i han bai cac duong y =X, y=2x. Thé
tich cua khéi tron xoay dugc tao thanh khi quay (H) xung quanh
truc OX bang:

32 64
@- E . - E .
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217 1677
©- E . @-E .

Loi giai
Chon B

*X¢ét phuong trinh hoanh d¢ giao diém: x> —2x=0 < {

I
>

*Khi quay (H) xung quanh truc OX ta dugc khéi tron xoay gisi han bai

X X < <
I Il
N O N

b

64x

2
*Do d6 thé tich cua khdi tron xoay 1a: V = ﬂj‘(xz )2 —(2x)2 dx =
0

Cau 7: Tinhthétich V cua vat tron xoay tao thanh khi quay hinh phing (H ) gi61 han bdi cac duong
=x?; y:\& quanh truc OX .

®'V:2_g' 'V:%' ©.V:%. ©.v-='"

Loi giai
Chon B

«Phuong trinh hoanh do giao diém x> =X < x*—x=0
& x(x—l)(x2 +x+l)=0 < x=0 hoic x=1

Khi do:

*Thé tich khi tron xoay sinh bai hinh (H) 1a

V= EI( )dx 7Z'I dx:i—g

Cau 8: Cho hinh phiang D giéi han boi duong cong y =e*™, c4c truc toa do va phan duong thang
y =2—x Voi x>1. Tinh thé tich khi tron xoay tao thanh khi quay D quanh truc hoanh.
2 _ (5e* -3 2 _

@.V:%+e2 21. .V:M. (@V_1+e—1 . (D)V:1+e 1.

e 6e’ e 2 2
Loi giai

Chon B

Phuong trinh hoanh d¢ giao diém cta duong cong y =e** va duong
thing y=2—-x: e'=2—x<x=1. (Vi y=e*" 1a ham dong bién va
y =2—x la ham nghich bién trén tap xac dinh R nén phuong trinh c6 t6i da
1 nghiégm. Mt khac x=1 thoa man pt nén do 1a nghiém duy nhat cua pt do).
*buong thang y =2—x cat truc hoanh tai x=2.

V= ﬂj(eXl)z dx+7rj.(2— x)2 dx
0 1

3
i (X— —2X+ 4]
0 3
Cau 9:  Tinh thé tich khi tron xoay sinh ra khi quay quanh truc Ox hinh phang gidi han bai hai d6 thi

y=xX"—4X+6 va y=—X*—2X+6.

®. z. ®. 7-1. ©. 3r. ®.2x.

2

7r(5e2 —1)
6e?

2X-2
= e

1
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Loi giai

Chon C

x=0
x=1
*Thé tich vat thé tron xoay sinh ra khi quay quanh truc Ox hinh phang gigi han bai hai d6 thi 1a

1
V=7Z'J.
0

*X¢ét phuong trinh hoanh d6 giao diém x? —4x+6 =—x* —2x+6 < 2x* —2x =0 <

(x* —4x—6)" ~(—x* —2x+6)2‘dx _ ;zh—12x3 +36x° — 24x|dx
0

=7

_1[(—12x3 +36X%° —24x)dx
0

1
0

= z‘(—3x3 +12x% —12x? )‘ ‘ =3r.

Cau 10: Goi (H) Ia hinh dugc gisi han bsi nhanh parabol y = 2x% (v6i x>0), duong thing y =—x+3
va truc hoanh. Thé tich cuia khéi tron xoay tao bai hinh (H) khi quay quanh truc Ox bang

527 177 517 537
v =22 ®.v="L. V=2 V=2
® 15 ® 5 © 17 © 17
Loi giai
Chon A )
3
x=1
*Phuong trinh hoanh d¢ giao diém: 2x* = —x+3 < 3
X=——
2
Thé tich khéi tre tao boi (H):V [(x 3 de 7 [ dx‘e = 52 i -
°lnetic ol Tron xoay tao Dol NV =X+ X+7mw|4X OX=—r.
y (g ) '1[( ) ! 15 ol 1 N

Cau 11: Thé tich khéi tron xoay do hinh phing gisi han béi cac duong x+y—-2=0; y=+/X; y=0 quay
quanh truc Ox bang

5 67 2 51
®. o ®. = ©. 5 @.?.

Lai giai
ChenD ‘
*Hinh phang da cho dugc chia lam 2 phan sau:

*Phan 1: Hinh phdng gisi han béi céc duong y=+/x; y=0; x=0; x=1.
2

1 1
*Khi quay truc Ox phan 1 ta dugc khéi tron xoay c0 thé tich V, = ﬁ_[xdx X
0

0

z
>
*Phan 2 : Hinh phang giéi han bai cac duong y=2-x; y=0; x=1; x=2.
Khi quay truc Ox phan 2 ta duoc khéi tron xoay c6 thé tich
r x—2) |2
Vv, =7Z'I(2—X)2 dX=7r.u =z
) 3 |, 3
«Vay thé tich khéi tron xoay cn tinh 13 V =V, +V, = 5?” .
Cau 12: Thé tich vat thé tron xoay sinh ra khi hinh phang gici han boi cac duong x=.[y, y=-x+2 va
x=0 quay quanh tryc Ox cd gia tri 1a két qua nao sau day?

1 3 32 11
@.V—gﬂ'. .V—Eﬂ'. ©.V—Eﬂ'. @.V—Eﬂ'.

Lai giai
Chon C
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x=4y y=x*(x>0)
*Goi (H) la hinh phang gi¢i han béi cc duong: {y=—X+2 < {y=—Xx+2

x=0 x=0
x =1 (nhaén)
x =—2 (loaii)
*Thé tich vat tron xoay sinh ra khi hinh (H) quay quanh truc Ox la:

*Phuong trinh hoanh d6 giao diém: x> =—x+2 < x2+x-2=0 <

Vv :ﬂ.:[((—x+2)2 —(xz)z)dx :ﬂ:[(xz —4x+4—x4)dx :%ﬂ(dvtt)

Cau 13: Goi D la hinh phang gioi han bai @6 thi ham s y = \/;, cung tron c6 phuong trinh y = /6 — x?
(—\/5 <x<6 ) va truc hoanh (phan t6 dam trong hinh v& bén). Tinh thé tich V cua vat thé tron
xoay sinh bai khi quay hinh phang D quanh truc OX .

v
% 0 N
A.V=8r6-27. ®.V=8:6+ 22”. ©. Vv =876 - 22”. O.V =476 + 22”
Loi giai

Chon D
<-Céch 1. Cung tron khi quay quanh Ox tao thanh mot khi cau cd thé tich

V=27(J6) =8x6.
3
«Thé tich nira khéi ciu 12 V, = 476 .

x>0
*Xét phuong trinh: «/;—\/6 x? <:>{ 6 O<:>X=2
X2+ X—

*Thé tich khéi tron xoay c6 dugc khi quay hinh phing (H) gi6i han bai db thi cac ham sé y =+/x , cung
tron co phuong trinh y =+/6—x?, va hai dudong thang x =0, x =2 quanh Ox la

—ﬂj —x? —x dx—zzTﬂ.

*Vay thé tich vat thé tron xoay cintimla v =V, +V, =4r J6+ 22”

<~Céch 2. Cung tron khi quay quanh Ox tao thanh mét khéi cau cd thé tich

\'A =g7r(x/€)3 =87r\/6.

x>0
«Xét phuong trinh: v/x = /6 x? <:>{ 5 O@X:Z.
X2+ X —

*Thé tich khi tron xoay cé dugc khi quay hinh phang (H) giéi han béi d6 thi cac hamsé y = Jx, cung
2 3
tron c6 phuong trinh y =+/6—x* va duong thang y =0 quanh Ox 13V, = 7Z'I xdx + 7Z'I (6— Xz)dx
0 2

(2628, 227z
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*Vay thé tich vat thé tron xoay can tim 1a V =V, -V, =876 — (4 J6 - 22ﬁ) VN[ 22”

Cau 14: Tinh thé tich vat thé tron xoay tao bai phép quay xung quanh truc Ox hinh phang gii han bai
chc duong y=0, y=+X, y=x—-2.

®. 8?” 1%” ©. 107 ®.87.
Loi giai
Chon B
0=Vx=x=0
*Tach: :0=x-2=>x=2
IX=x-2=x=4
*Duta vao hoanh do giao diém ctia ba dudng ta c6 dién tich hinh phing gdm hai phan. Phan tht
nhit gigi han béi y=+/X, y=0 va x=0; x = 2. Phan tht hai giéi han béi y=+/X, y=x—2 v
X=2, X=4.
*Thé tich vat thé béng

V= ﬁj( )dx+7r_|“x 2 ‘dx ﬂdeX-i—ﬂ'I( x—2) )d

Cau 15: Cho (H ) 14 hinh phéng giéi han bdi parabol Yy = X* va duong tron
X +Yy? =2 (phan t6 dam trong hinh bén). Tinh thé tich V cia
khoi tron xoay tao thanh khi quay (H ) quanh truc hoanh.

(9
@.V=44—7[. .V=22—7r. Kj

15 15

5 T
V== V==
© . © -

Loi giai
Chon A

_ x* =1 x=1
Vi Y =X thay vao phuong trinh duong tron ta dugc X2 + x* =2 < [ , & {
X

y=—2-%
y=+2-x

*Honnira x*+y’ =2 <

y=v2-x

*Thé tich can tim chinh 1a thé tich vat thé tron xoay (H,): X :1_1 quay quanh Ox b di phan thé
X =
Ox

tich (H,): . quay quanh OX .
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*Do d6 V ZEH( 2—x? )2 dx—j’(xz)2 dx}:414—5ﬂ.

Cau 16:

Cau 17:

y A
Cho hinh phéng (H) (phan gach chéo trong hinh vé).

Tinh thé tich V ctia khéi tron xoay tao thanh khi 2r
quay hinh (H ) quanh truc hoanh.

QO
[\
N Rt
2 |

®. V =8r. ®. v =10~.
©.v=27 ®.v =17 d
3 3
L&i giai
Chon D

*Goi 1a hinh phing gisi han béi cac duong x=0, x=4, f (x)= Jx va truc hoanh.

(Dz) 14 hinh phing giéi han béi cac duong X=2, x=4, g (X) = X—2 va truc hoanh.

*Ki hiéu V,, V, tuong ting 14 thé tich ctia cac khdi tron xoay tao thanh khi quay (Dl) , (Dz)
quanh truc hoanh.

*Khido, V =V, -V, ﬂjf x)dx— 7ZJ.g x)dx = ﬂIXdX 7[J.X 2) dx = 87[—8?”:16%.

Thé tich V ctia khéi tron xoay duge sinh ra khi quay hinh phéng gigi han bdi dudng tron
(C): x? +(y —3)2 =1 xung quanh truc hoanh l&

®. 6x°. ®. 67°. ©. 372, ©.60.
Loi giai
Chon A
(C):x+(y-3) =1 (y-3)" =1-x2
c}[)/3=\/17 @{y:&rﬂ
y-3=—1-x¢ |y=3-1—x¢  PlUal c

*Thé tich V ctia khoi tron xoay duge sinh ra khi quay hinh
phing gi6i han bdi duong tron

I T

(C) - x? +(y —3)2 =1 xung quanh truc hoanh la

2 1 2

oV :ﬂj(3+ﬁ) dX—ﬂ'J-(B—\/l—T) dx =767 =672.
-1 -1
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