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CHUONG 4
NGUYEN HAM. TiCH PHAN

BAI 1
NGUYEN HAM

1. Khai niém nguyén ham

Cho ham sb f (x) xac dinh trén K. Ham s6 F (x) dugc goi 1a nguyén ham ciia ham s f (x) néu
F'(x)=f(x),voimoi xeK .

Cho F(x) 1a mdt nguyén ham cuia ham s6 f(x) trén K. Khi do:

e V6imdi hing s6 C, hamsd F(x)+C ciing la mot nguyén ham ctia ham s6 f'(x) trén X .
e Néu G(x)la mot nguyén ham cta ham sb f(x) trén K thi ton tai hing s6 C sao cho

G(x)zF(x)+C voimoi x € K

Nhu vy, moi nguyén ham cta ham s6 f'(x) trén K déu c6 dang F(x)+C, v6i Cla hang so. Ta goi
F(x)+C,CeR laho tht ca cdc nguyén ham cua ham sd f (x) trén K, ki hiéu If(x)dx va viét:

[ £(x)dx=F(x)+C

Chi y:

e Bicu thie f(x)dx duge goi 1a vi phan cuia nguyén ham F(x) ctia f(x), ki hiéu 1a dF (x)
Vay, dF(x) =F'dx= f(x)dx

e Moi ham s0 f (x) lién tuc trén K déu c6 nguyén ham trén K .

e Khi tim nguyén ham ctia mot ham s6 ma khoogn chi rd tdp K thi ta hiéu 1a im nguyén ham cua
ham s d6 trén tap xac dinh cua no.

o [fix)de=f(x)+C
2. Céc tinh chit ciia nguyén ham

OJ.kf(x)dx = kjf(x)dx , voi k 1a hing s6 khac 0

o [/ (x)+g(x)]dx=[ £ (x)dx+ [ g(x)dx

o [[£(x)=g(x)]dx=[ 1 (x)dx—[g(x)dx

3. Nguyén ham ciia mdt ham so so cip
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Nguyén ham ctiia mgt ham so so cap

foax=c
A s L s e \ de =x+C
Nguyén ham cua ham so luy thura
xa+1
J.x“dxz +C (a#-1)
a+1
A ps Y 1 dx
Nguyén ham cia ham s6 y=— J.— =In[x|+ C (x=0)
X X

jcosxdx:sinx+C

Isinxdxz—cosx+C

Nguyén ham ciia ham s6 lwong gidc 1
J. dx=tanx+C
cos” x

2

.[ ! dx=—-cotx+C

sin” x
Jexdxzex +C
Nguyén ham ciia ham s6 mii .
jaxdxz ¢ +cC (0<a=1)
Ina

I CHUDPE 1 I
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TINH NGUYEN HAM MOQT SO HAM SO SO CAP

DANG 1

NGUYEN HAM HAM LUY THUA

1. Bang nguyén ham ham s liiy thira

dexzc

Idx=x+C

a+l

Ix“dx .

a+1+C (a=-1)

J.dexz—leC
x x

Nguyén ham ham s liiy thira

j%dxzzx/hc

I@=1n|x|+C (x#0)
x

Chii y : ding cong thirc sau 1am tric nghiém cho nhanh

(ax +b)’Hl

Do
b) dx =—
j(ax+ ) X P n+1

+C

2. Liiy thira vé6i s6 mi thue

Cho a,b 1a nhitng sb thuc duong, o, 13 nhitng s6 thuc bat ki. Khi do:

PHAN 1. Ciu tric nghi¢ém nhiéu phwong 4n lra chon. Méi ciu héi thi sinh chi chon m§t phwong

an.
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Caul. Chohamsd F(x) la mot nguyén ham cta ham s6 f(x) trén K . Cac ménh dé sau, ménh dé nao

sai.
A. [ f(0)dx=F(x)+C. B. ( | f(x)dx)' = ().

C. ( [ f(x)dx) = 1'(x). D. ( [ f(x)dx) - F'(x).
Cau 2. Ho tit cd cdc nguyén ham ctia ham s6 f(x)=2x+6 1a

A. x> +C. B. x’ +6x+C. C.2x’+C. D. 2x* +6x+C.
Cau3. [x’dx bing

A. 2x+C. B. §x3+C. C.x +C. D.3x’+C

Cau 4. Ho nguyén ham ctia ham sé f(x)=3x"+1 1a

3
A X’ +C B.x?+x+C C. 6x+C D. x’+x+C
Cau 5. Nguyén ham cia ham sd f(x):x3+x la
A. %x4+%x2+C B. 3x* +1+C C. X +x+C D. x*+x*+C
Cau 6. Nguyén ham cia ham s f(x)zx‘*—i—x2 la
A. %x5+lx3+C B. x*+x*+C C.x+x +C. D. 4x’ +2x+C

A B A N . B A A A B A B 5 B A 2022
Cau 7. Ham s6 nao trong cac ham so sau day khong 1a nguyén ham ctia ham s6 y = x**?

2023 2023 2023

A 41, B. -~ . C. y=2022x""" D. X 1.
2023 2023 2023
Cau8. Nguyén ham ciia hamsd f(x) = %x3—2x2+x—2024 la
1 2 2 2
A3 -I¥+iogc, B. Lxt—2¢ X omax+c.
2" 3 2 97 37 2
2 2
A 2pi® onaxsc. D. L 20X o004xc.
127 37 2 9" 37 2
Cau9. Timnguyén F(x) cliahamsé f(x)=(x+1)(x+2)(x+3)?
x4 3 11 2 4 3 2
A. F(x):T—6x t X —6x+C. B. F(x)=x'+6x"+11x* +6x+C.
x* , 11,
C. F(x):T+2x +?x +6x+C. D. F(x):x3+6x2+11x2+6x+C.

5

Céu 10. Tim nguyén ham cua ham so f (x)=(5x+3)

6 4
A. (5x+3)°+C. B. (5x+3)'+C. C. _(5);)3) +C. D. —(5):53) iC.
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. 2
Cau 11. Tim nguyén ham cua ham sé f'(x)=x’ .

x 1 x 2

A. If(x)dx:?+;+C. B. If(x)dx:?—;JrC.
3 3
C. [f(x) %—LC. D. jf(x)dx=%+%+c.
Cau 12. Tinh J‘\/x X dx
A. ixlsx7+C. B. Exlsx7+C. C. §x15x+C. D. ixlsx+C.
15 15 15 15

\/;—23\/x_2+1d
Tx

A.x{/;—2x1\7/x75+{‘/x73+C. B.—xf 1\/7+4\/7+C
Cx\f 1\/7+\/7+C D.%xﬂ;—ZxW+§@+C.

Céu 14. Cho hamsé f(x)=x*+4. Ménh dé nao sau day ding?

Cau 13. Tinh j

A. [ f()dx=2x+C. B. [ f(x)dx=x"+4x+C.

3

C. jf(x)dx=%+4x+c. D. [ f(x)dx=x"+4x+C.

3

Céu 15. Trén khodng (0;+), cho ham s f(x)=x? . Ménh dé nao sau ddy ding?

A. J-f(x)dngx;+C. B. If(x)dszJdex.

5

1
C. jf(x)dx:§x2+C. D. J‘f(x)dngx2+C.
Cau 16. Cho hamsd f (x) x'+2 . Ménh d nao sau day dung?
x’
¥ ¥ 2
A. jf(x)dng—;w. B. jf(x)dx:?+;+C.

C. jf(x)dxzj(x2+%)dx. D. jf(x)dx=x3—3-3+c.

PHAN II. Céu tric nghiém ding sai. Trong mdi y A), B), C), D) & mdi cau, thi sinh chon diing hoic
sai.

Ciu 17. Cac ménh dé sau day ding hay sai
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A. j(%/?er—Z)dx:%%/FJr%xz -2x+C

1 1
B. | 20035 = ppm e T C

C. [(2x-2024)" dx=x-1012+C
D.J- lx4+4x3 dx=Lx5+ix4+C
4 207 3

Cau 18. Cac ménh dé sau day ding hay sai

4

x° 3 . A s sk 1
A. F(x)=7—5x2 +ln|x|+C la nguyén ham ctia ham sof(x)zx3 —3x+;.
6
B. F(x) :%+C 1a nguyén ham ctia ham s6 f'(x) :(5x+3)5.

C. F(x):%x x+§x%/;+§x‘\‘/;+c la nguyén ham cua ham séf(x):\/;+§/;+i‘/;.

1

3
D. F(x)=x'~2024x+C 1a nguyén ham cia ham s6 f (x) = x¥ —2024x

X
PHAN III. Cau tric nghiém tra 1oi ngian. M&i cAu héi thi sinh chi tra 1oi dap 4n.

Cau 19. Tim nguyén ham F(x) ciia ham s§ f (x)= i+3x +3x-2.

Jx

Traloi: ....................
A \ ~ \ , \ X 3 2 4m 5 \ X
Cau 20. Tim nguyén ham F(x)cua ham so f(x)=mx’ —3x +—3+2——7m (m 1a tham s0).
x x
Traloi: ....................

; 1 2
Cau 21. Timnguyén ham F(x) ciahamso f(x)=—=—-——.

) N
Traloi: ....................

(x* 1)

x2

Cau 22. Tim nguyén ham F(x) ctia ham s f(x)=
Traloi: ....................

3
Ciu 23. Tinh j ((l_x) de.

Traloi: ....................
Cau 24, Tinh [ 4+ ix.
Traloi: ....................

Cau 25. Tinh [(Vx+1for—x + 1)

Traloi: ....................
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3
Cau 26. Tinh j (2\/_ ——jdx.
Vx

Traloi: ....................
Cau 27. Tinh j L
) \/X+ 3x '
Traloi: ....................
Céu 28. Tinh | ﬁdx.
X — X
Traloi: ....................

Ciu29. Tinh [(x* ~1) dx.
Tra 10 oo
Ciu 30. Tinh [(2-x)"dv.
Tra 10 ..o

Cau 31. Tinh j(x—%)2 dx |

Traloi: ..........cooo ...
2
2 3
Céu 32. Tinh | (Mj dx.
X
Traloi: ..........cooo ...

Cau33d. Tim m dé& F(x)=mx’+(GBm+2)x>-4x+3 13 mdt nguyén ham cua ham sb
f(x)=3x>+10x—4.

Traloi: ....................

Cau34. Tim a,b,c dé F(x):(ax2+bx+c)\/x2—4x la mot nguyén ham coa ham sé
F(x)=(x=2nx*—4x.

Traloi: ....................

Cau3s. Tim abc dé& F(x)=(ax®+bx+cn2x—3 13 mot nguyén ham coa ham sb

x> —30x+7
2x-3

fo=22

Traloi: .......onn..

DANG 2

NGUYEN HAM HAM LUQNG GIAC




Dai 56 12 - Chuwong 4 - Nguyén ham. Tich phin — Bai tip theo chwong trinh méi 2025 Cinh Diéu

1. Bang nguyén ham ham sé lwong giac

J.cosxdxzsinerC

Isinxdxz—cosx+C

de=tanx+C

2

Nguyén ham ham s6 lwong giac J.
COS™ X

1
I ——dx=—cotx+C
sin” x

Chuy: l+tan’ x = ; 1+cot’ x = 5

cos” x sin” x

PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong

an.
. . o ) 7r
Cau 36. Ham s6 F(x)=cotx la mot nguyén ham cua ham so nao dudi day trén khoang (O;EJ

1

sin® x

1 Cfi()=—s D fi(x)=-—

cos’® x cos’ x sin’ x

A. fz(x)z

B. fl(x):—

Ciu37. Chohamsd f(x)=1+sinx.Khang dinh nao dudi day ding?
A. J.f(x)dx=x—cosx+C. B. If(x)dx=x+sinx+C.

C. If(x)dx=x+cosx+C. D. If(x)dx=cosx+C.

" \ A1 A A _ 2 X
Cau 38. Tim nguyén ham F(x) ctia ham so f(x) =COos >

X 1 .
A. F(x)=2cosE+C B. F(x)=E(1+smx)+C
. X 1 .
C. F(x)=251nE+C D. F(x)=5(1—smx)+C
Cau 39. Chohamsé f(x)=1-———.Khing dinh ndo duéi day ding?
cos” x
A. If(x)dx=x+tanx+C. B. If(x)dx:x+cotx+C.
C. J.f(x)dxzx—tanx+C. D. J.f(x)dxzx—cotx+C.

Céu 40. Ho nguyén ham ctia ham s6 f (x)=cosx +6x 1a
A. sinx+3x*+C. B. —sinx+3x” +C. C. sinx+6x’+C. D. —sinx+C.

Cau 41. Tim nguyén ham ctia ham s6 f(x) =2sinx+3x.

A. J.(Zsinx+3x)dx:—2cosx+§x2 +C B. J.(Zsinx+3x)dx:2cosx+3x2 +C
2
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C. j(2sinx+3x)dx = sin? x+§x+C D. j(2sinx+3x)dx — sin2x+§x2 +C
2 2

CAu 42. Tinh [ (x—sinx)dx.

2 2 2 2
A.%+sinx+C. B.%—cosx+C. C.%—sinx+C. D.x?+cosx+C.

Céu 43. Ho nguyén ham ctia ham s6 f (x)=3x"+sinx la
A. X’ +cosx+C. B. 6x+cosx+C. C. x —cosx+C. D. 6x—cosx+C.

Chu 44. Ho nguyén ham ctiia ham s6 f (x)= L sinx 1a
X

A. Inx—cosx+C. B. —Lz—cosx+C. C. ln|x|+cosx+C. D. ln|x|—cosx+C.

X

Cau 45. Cho If(x)dx = —cosx + C . Khing dinh nao dudi diy dung?
A. f(x)=—sinx. B. f(x)=—cosx. C. f(x)=sinx. D. f(x)=cosx.
Cau 46. Cho hamsd f(x)= j cos%sin%.Khéng dinh nao dudi day dung?
x . x 1. x . x 1
A. Icos—s1n—:—s1n+C. B. J.cos—sm—:—cosx+C
2 2 2 2 2 2

C. Icosisiniz—lsinx+c. D. J‘cosﬁsiniz—lcosx+C
2 2 2 2 2 2

PHAN II. Céu tric nghiém ding sai. Trong mdi y A), B), C), D) & mdi cau, thi sinh chon diing hoic
sai.

Céu 47. Cac ménh dé sau ddy ding hay sai?

A. I(2+cot2 x)dx=x—cotx+C.

B. J l—coszgjdx=%(x+sinx)+C

2
C.I sin%+cos%) dx=x+cosx+C.

2
D.I sini—cosﬁ dx=x—-cosx+C
2 2

PHAN III. Cau tric nghiém tra loi ngin. Mbi cAu héi thi sinh chi tra 101 dap an.
Cau 48. Tim nguyén ham F(x) ctia ham s6 f(x) =2024 — 2sin’ % .

Traloi: ...l
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Canh Diéu

1

.2 X x
sin® = .cos® =
2 2

Cau 49. Tim nguyén ham F (x) ctia ham s6 f(x) =

Traloi: ....................
A s A 1x , \ 4 I » 1 o)
Cau 50. Tim nguyén ham F(x) ctia ham so f(x) = gx -2x +5tan X.

Traloi: ....................

Cau 51. Tinh [x|1- 2 | gx.
2

Traloi: ....................

2
Cau 52. Tinh jx2[1+l—tan dex.

Traloi: ....................

Cau 53. Tinh [ x(2024—i3+smjdx.
X X

Traloi: ....................

A 14 3 —

Cau 54. Tinh Ix 3 —2x+ S00a dx =
i |
Traloi: .........oooooii..
Cau 55. Tinh [x” 1 +i3—i4 dx =
x2sin? X cos?t X X
2

Traloi: ....................

DANG 3

NGUYEN HAM HAM MU
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J.exdxzex +C
Nguyén ham ham s6 mii .
Iaxdxz ¢ +cC (0<a=1)
Ina

Chu y :
.J.eax+bdx=leax+b+c
a
ax+f
OJ-a“”ﬁdxzia +C (0<a=1)
a Ina

PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong
an.

Cau 56. Ho nguyén ham ciia ham s§ f(x) = €** 1a ham s6 nao sau day?

A. 3e"+C. B. %e3x+C. C. %ex+C. D. 3¢ +C.
Céu 57. Nguyén ham ctia ham s y=¢"" 1a
A. 277+ C. B. e +C. C. %e“* +C. D. %ex +C.

Ciu 58. Cho hamsb f(x)=e" +2 . Khang dinh nao duéi day la ding ?
A [f()dy=eT+C. B. [f(x)dx=e"+2x+C.
C. If(x)dx=6x+C. D. Jf(x)dx:ex—2x+C.
Ciu 59. Cho hamsé f(x)=e"+2x.Khang dinh nao dusi day dung?
A. jf(x)dxzex+x2+C. B. If(x)dxzex+C.
C. jf(x)dx:ex—x2+C. D. J-f(x)dx=ex+2x2+C.
Céu 60. Tim nguyén ham ctia ham s6 f (x)=7".

7X+1
x+1

A. j7xdx=%+C B. j7*‘dx=7*“+c C. I7de=

+C  D. j7*dx=7X1n7+c

Céu 61. Nguyén ham cua hamsé y=2" 1a

, 2" 2F
A [2°dr=1n22"+C. B. [2'dr=2"+C. C.[2rde==2+C.  D.[2'dr="—+C.
In2 x+1
Cau 62. Tét ca cac nguyén ham ciia ham sé f(x)=3"" la
3 . _ 3
A, —+C B. -37+C C.3"In3+C D. +C
In3 In3

Céu 63. Tim nguyén ham ctia ham s6 f (x)=3"+2x.
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A. J.(3x+2x)dx=%+x2+c B. I(3x+2x)dx=2x.ln2+x2+C
n

C. j(3X+2x)dx=12x2+x+c D. j(3x+2x)dx:2x.ln2+x+C
n

Céu 64. Ho nguyén ham ctia ham s6 £ (x)=e* —2x la.

1
A e +x +C. B.e"—x*+C. C.—e —-x*+C. D. e -2+C.
x+1
Céu 65. Tim nguyén ham cta ham s6 f(x):ex(2017—201§e ]
X
201 201
A. [ f(x)dr=2017¢" - 18, c. B. [ f(x)dx=2017¢"+ I8, c.
X X
4 4
C. If(x)dx=2017e"+504’5+C. D. jf(x)dx:2017eX—504’5+c.
X X
Cau 66. Ho nguyén ham ctia ham sé y:ex(2+ - ] 1a
COS X
A. 2¢" +tanx+C B. 2¢" —tanx+C C. 2¢e" - +C D. 2¢" + +C
COS X COS X
Céu 67. Tim ho nguyén ham cta ham s6 y = x> —3* ey
X
3 x 3
A. x——3——i2+c, CeR. B. x——3*+i2+c, CeR.
3 In3 «x 3 X
x3 X x3 3x
. ————+In|x|+C, CeR. D. ———-In|x[+C, CeR.
3 In3 3 In3
Céu 68. Khing dinh nao dudi ddy ding?
Ajexdx:xex+C. B. Iexdx:e”l+C_ C. J.e"dx:—ex“+C. D. Iexdxzex+C.
Céau 69. Cho hamsd f(x)=1+¢>. Khing dinh nao dudi diy ding?
A. J.f(x)dx=x+%ex+C. B. If(x)dx:x+262x+C.
C. J.f(x)dx:x+%ezx+c. D. J-f(x)dx=x+ez"+C.

PHAN II. Céu tric nghi¢ém ding sai. Trong mdi y A), B), C), D) & mdi cAu, thi sinh chon diing hoic
sai.

Cau 70. Céac ménh dé sau day ding hay sai?

A. jldlenx+c.
X

B.I 12 dx=tanx+C.
Ccos” x
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C. Isinxdx:—cosx+C.
D. Iexdxzex+C.

Céu 71. Cac ménh dé sau ddy dung hay sai?

A. J.cosxdx=sinx+C.

e+l
X

+C.

B. Ixedx=e+1

1
C. J‘;dlen|x|+C.

+1
ex

+C.

D. Iede:x+l

Céu 72. Cac ménh dé sau ddy ding hay sai?

A. j2de=2*1n2+c.

er

+C.
2

B. Ie“dx =

C. J.e”(e" — 1)dx=lez" +e' +C.
2

3\
D. [ 3% dx =%+c

PHAN III. Cau tric nghiém tra loi ngin. Mbi cAu héi thi sinh chi tra 101 dap an.

CAu73. Tinh [(2'+ 3") dx.

Traloi: ....................

Cau74. Tinh [&*"%*dx .

Traloi: ....................

Cau 75. Tinh j 3%2 224
Traloi: ....................

Ciu 76. Tinh [(3*+5" ) dx.

Traloi: ....................
3x

Céu 77. Tinh [° Lo
e’ +1

Traloi: ....................
Cau 78. Tinh J.(e" +e " )2 dx.

Traloi: ..........ooooii..
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Canh Diéu

2x
Cau 79. Tinh [< !
—e

1

dx.

Traloi: ....................

Céu 80. Chtng minh F(x)=(4x—-5)¢" 1a mot nguyén ham cta ham sé f(x) = (4x—1e” .

Traloi: .......oooonn...

Céu 81. Tim nguyén ham F (x)cla cdc ham sd f(x)=me" +2a" —2sinx (m 1a tham sb)

Traloi: ....................
Cau82. Tim a,b,c dé

fx)=—2x*—8x+T)e **.

Traloi: ....................

F(x)= (ax2 +bx+c)e

—2x

la

mot

nguyén

ham

cua

ham

SO
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CHUONG 4
NGUYEN HAM. TiCH PHAN

BAI 1
NGUYEN HAM

1. Khai niém nguyén ham

Cho ham sb f (x) xac dinh trén K. Ham s6 F (x) dugc goi 1a nguyén ham ciia ham s f (x) néu
F'(x)=f(x),voimoi xeK .

Cho F(x) 1a mdt nguyén ham cuia ham s6 f(x) trén K. Khi do:

e V6imdi hing s6 C, hamsd F(x)+C ciing la mot nguyén ham ctia ham s6 f'(x) trén X .
e Néu G(x)la mot nguyén ham cta ham sb f(x) trén K thi ton tai hing s6 C sao cho

G(x)zF(x)+C voimoi x € K

Nhu vy, moi nguyén ham cta ham s6 f'(x) trén K déu c6 dang F(x)+C, v6i Cla hang so. Ta goi
F(x)+C,CeR laho tht ca cdc nguyén ham cua ham so f (x) trén K, ki hiéu If(x)dx va viét:

[ £(x)dx=F(x)+C

Chi y:

e Bicu thie f(x)dx duge goi 1a vi phan cuia nguyén ham F(x) ctia f(x), ki hiéu 1a dF (x)
Vay, dF(x) =F'dx= f(x)dx

e Moi ham s0 f (x) lién tuc trén K déu c6 nguyén ham trén K .

e Khi tim nguyén ham ctia mot ham s6 ma khoogn chi rd tdp K thi ta hiéu 1a im nguyén ham cua
ham s d6 trén tap xac dinh cua no.

o [fix)de=f(x)+C
2. Céc tinh chit ciia nguyén ham

OJ.kf(x)dx = kjf(x)dx , voi k 1a hing s6 khac 0

o [/ (x)+g(x)]dx=[ £ (x)dx+ [ g(x)dx

o [[£(x)=g(x)]dx=[ 1 (x)dx—[g(x)dx

3. Nguyén ham ciia mdt ham so so cip
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Nguyén ham ctiia mgt ham so so cap

foax=c
A s L s e \ de =x+C
Nguyén ham cua ham so luy thura
xa+1
J.x“dxz +C (a#-1)
a+1
A ps Y 1 dx
Nguyén ham cia ham s6 y=— J.— =In[x|+ C (x=0)
X X

jcosxdx:sinx+C

Isinxdxz—cosx+C

Nguyén ham ciia ham s6 lwong gidc 1
J. dx=tanx+C
cos” x

2

.[ ! dx=—-cotx+C

sin” x
Jexdxzex +C
Nguyén ham ciia ham s6 mii .
jaxdxz ¢ +cC (0<a=1)
Ina

I CHUDPE 1 I
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TINH NGUYEN HAM MOQT SO HAM SO SO CAP

DANG 1

NGUYEN HAM HAM LUY THUA

1. Bang nguyén ham ham s liiy thira

dexzc

Idx=x+C

a+l

Ix“dx .

a+1+C (a=-1)

J.dexz—leC
x x

Nguyén ham ham s liiy thira

j%dxzzx/hc

I@=1n|x|+C (x#0)
x

Chii y : ding cong thirc sau 1am tric nghiém cho nhanh

(ax+b)”

Do
bY dx =—
j(ax+ ) X P n+1

+C

2. Liiy thira vé6i s6 mi thue

Cho a,b 1a nhitng sb thuc duong, o, 13 nhitng s6 thuc bat ki. Khi do:
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PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong
an.

Cau 1. Chohamsb F(x) 1a mot nguyén ham cta ham sé f(x) trén K . Cac ménh dé sau, ménh dé nao

sai.
A. [ f(0)dx=F(x)+C. B. ( | f(x)dx)' = f(x).
C. ( | f(x)dx)' = '(x). D. ( [ f(x)dx)' = F'(x).
Loi giai
Chon C

Ta co jf(x)dx =F(x)+C < F'(x) = f(x) nén phuong an A, B, D ding.
Cau 2. Ho tat ca cac nguyén ham cua ham s f(x) =2x+6 1a

A. x> +C. B. X’ +6x+C. C.2x*+C. D. 2x’ +6x+C.
Loi giai
Chon B.
J.(2x+6)dx:x2+6x+C

Cau 3. szdx bang
1
A. 2x+C. B. §x3+C. C. X’ +C. D. 3x’+C
Loi giai
Chon B.
Ta co szdx :lx3 +C.
3

Cau4. Honguyén ham coa hamsd f(x)=3x"+11a

3
A P +C B.%+x+C C. 6x+C D. X +x+4C

Loi giai
Chon D.
I(?:xz +1)dx: x+x+C.

Céu5. Nguyén ham cia hamsé f(x)=x"+x 1a
1 1
A. ZX4+5x2+C B. 3x*+1+C C. x’+x+C D. x*+x*+C

Loi giai
Chon A.

j(x3 +x2)dx =%x4+%x2 +C.
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Cau 6. Nguyén ham cia hamsé f(x)=x"+x" 1
A. %x5+%x3+C B. x*+x*+C C.x’+x*+C. D. 4x° +2x+C

Loi giai
Chon A.
If(x)dx = J.(x4 +x2)dx :lx5 +lx3 +C.
5 3
Cau7. Ham s6 ndo trong cic ham s sau day khong 1a nguyén ham cta ham sé y = x> ?

2023 2023 2023

A X4, e C. y=2022x""" D. X 1.
2023 2023 2023
Loi gidi
Chon C
x2023 . B
Ta c6: jxmdx = +C, Cla hing s.
2023
Nén cac phuong an A, B, D déu 1a nguyén ham ctia ham sé y = x*=.
Cau 8. Nguyén ham ctia ham sd f(x) = §x3 —2x>+x—2024 1a
1 2 2 2
A. Ex4—§x3+x?+C. B. éx4—zx3+x——2024x+C.
2 2
. Ly 2y ooaxic. D Lxt 2y X omaxic.
12 3 2 9 3 2
Loi gidi
Chon C.
xn+1
Str dung cong thirc Ix"dx = +C taduogc:
n+l

4 3 2
X XY smaxsc=t 2ol e soaxec
4 2 12" 3 2

j(lx3—2x2+x—2oz4)dx=
3 3

W | =

Cau9. Timnguyén F(x) cliahamsé f(x)=(x+1)(x+2)(x+3)?

4

11
A. F(x):%—@c%r?x2 —6x+C. B. F(x)=x"+6x"+11x" +6x+C.
x* , 11,
C. F(x):T+2x +?x +6x+C. D. F(x):x3+6x2+11x2+6x+C.

Loi giai
Chon C.
Ta co: f(x)=(x+1)(x+2)(x+3) =X +6x+11x+6

4
= F(x):j(f +6x° +11x+6 )dx = %+2x3+%x2 +6x+C.
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5

Cau 10. Tim nguyén ham cua ham sd f (x)=(5x+3)

6 4
A. (5x+3)° +C. B. (5x+3)* +C. c. X o p, X o
30 30
Loi giai
Chon C.
B 5 _ s, 1 5x+3)° | (5x+3)°
f(x)=(5x+3)" = [ f(x)dx =[ (5x+ 3)’dx =+ C=T 4 C
Cau 11. Tim nguyén ham ctia ham s6 f(x) =x’ +—.
X
A jf(x)dx—x—3+l+c B jf(x)dx—x—3—3+c
’ 3 0x ) 3 0x
o1 X2
C. x)dx=——-—+C. D. x)dx=—+—+C.
J£ () de==—— [ /()=
Loi giai
Chon A.
3
Ta co J‘(x2+%jdx=x——g+C.
X 3 x
Cau 12. Tinh j xx/x dx.
4 15/ .7 8 15/ .7 8 15 4 15
A —x¥ +C. B. — X" +C. C. Zxdx+C. D. —x¥x+C.
15 15 15 15
Loi giai
Chon B.
1 3 7 T
- 2 a 8
J.\/x\/xx/;dx:IVxVx.xzdx=IVx.x4dx=jx8dx:;C +C=%x1\5/x_7+C
—+1
8

Ciu 13. Tinh j

\/;—23\/x_2+1d
Tx.

A. xé/;—2x1\7/x_5+(‘/?+C. B. ?x?/;—%x”x5+§(‘/?+C.

C. xi/;—%xlz/xis+(‘/x7+C. D. %x?/;—lez/xis+§(‘/xT+C.

Loi giai
Chon B.

1 2 1 2

Vo2 +1, -2+l x xd ]
.[ 4 dx—J—dx—J.

Ix

] _1_2_1+_l dx

x* x* x*  x*
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1 5 1
zj‘(x“ —-2x2 +x 4]dx=%x€/;—%x” X’ +§(‘/x—3+C

Céu 14. Cho hamsb f(x)=x’+4.Ménh d& nao sau day dung?

A. jf(x)dx:2x+c. B. jf(x)dx=x2+4x+c.
x3
C. jf(x)dx=?+4x+c. D. [ f(x)dx=x"+4x+C.
Loi giai

3

Ta co: f(x):x2+4:>If(x)dx:x?+4x+C

3

Céu 15. Trén khoang (0;+00), cho ham s6 f(x)=x? . Ménh dé ndo sau ddy ding?

A. J-f(x)dx:%x;+C. B. J-f(x)dx=J‘\/x73dx.

5

1
C. J.f(x)dx:%x2+C. D. jf(x)dx:§x2+C.
Loi giai

3 5

Ta co: If(x)dx = J.xgdx =§x2 +C.

CAu 16. Cho ham sé £ (x)= x;f 2 Ménh & nao sau day ding?
A. J.f(x)dx:xg—%+c. B. .[f(x)dx:x?3+%+c.
C. J-f(x)dx:'[(xz+x%jdx. D. jf(x)dxz’;—%c.
Loi gidi
Ta c6: jf(x)dxzj%dxzj(x2+x%jdx=%3—%+c.

PHAN II. Céu tric nghiém ding sai. Trong mdi y A), B), C), D) & mdi cau, thi sinh chon diing hoic
sai.

Ciu 17. Cac ménh dé sau day ding hay sai

A. J-(%/xj+x—2)dx:%3/x75+%x2 -2x+C

| 1
B. | 202307 D= 303 T C
C. [(2x-2024)" dx=x-1012+C

D.j lx4—i-4x3 dx:Lx5+ix4+C
4 20 3

Loi giai
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A. B. C. D.

PUNG PUNG SAI PUNG

j(%/?+x—2)dx=%%/;+%x2 —2x+C

1 1 1
dx = x P dy=—— 4 C
I 2023x%% 2023j 2023% x¥%

2x-2024)’

[(2x-2024) i = €

J- lx4 +4x° dx:ix5 +£x4 +C
4 20 3

Cau 18. Cac ménh dé sau day ding hay sai

x* 3 . A s e iz 1
A. F(x)=7—5x2 +ln|x|+C la nguyén ham ctia ham sof(x)=x3—3x+;.
_(5x+3)°

B. F(x)

5

+C 1a nguyén ham cta ham sé f'(x) = (5x +3)

C. F(x):%x x+§x%/;+§x§‘/;+c la nguyén ham cua ham séf(x):\/;+§/;+i‘/;.

3 —_—
D. F(x) = §x3 —2024x+ C languyén ham cua ham séf(x) - ﬂ '
X
Loi giai
A. B. C. D.
DUNG SAI SAI DPUNG

S
f(x):x 3 +x

:F(x)zjf(x)dx :j(x3 —3x +%)dx =J.x3dx—3fxdx+j%dx 2%4—%)62 +ln|x|+C

s d(5x+3) _ (5x+3)° LC
30

£(x)=(5x+3) = F(x) = [ f(x)dx =] (Sx+ 3y'dx =[ (5x+ 3)
Feo=x+3x+4x
:F(x)zj(\/;+3/;+‘\‘/;)dx:j[x; +x% +x‘1‘de:§x; +%x;l +%x‘5‘ +C:%x\/;+%x%/;+%xi‘/;+C

3 3
= P ()= [ = (20 = 20240
X X 3

/(%)

PHAN III. CAu tric nghiém tra 1oi ngan. Mi cAu héi thi sinh chi tra 161 dap an.
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Cianh Diéu

Cau 19. Tim nguyén ham F(x) ctia ham sé f(x)=i+3x +3x-2.

N

Traloi: ....................

Loi giai

Pap 4n: j[i+3X+3x—2jdx=4J}+l3 +%x2 —2x+C

\/; n3

j(iw‘+3x—2jdx=4\/§+13—3+%x2—2x+c

Jx n

Cau 20. Tim nguyén ham F(x)cﬁahém ) f(x):mx3—3x2+4—T+2i—
x x
Traloi: ....................
Loi giai
D4p 4n F(x)=—x4—x3—4—m———7mx+c
4 2x° 2x°

j(mx3_3x2+4—z1+i_7mjdx=_x4—x3_4_n/lz__2_7mx+c

X X 2x° 2.x

Cau 21. Tim nguyén ham F(x) ctia ham s f(x)zi—i.

Vxo 3x

Traloi: ....................
Loi giai
Pap an:
. ‘ - o > -1’
Cau 22. Tim nguyén ham F(x) cuahamso f(x)= —
X
Traloi: ....................
Loi giai
Dap an:
3
Cau 23. Tinh | (L)' e
Ux
Traloi: ....................
Loi giai
Dap an:
Cau 24, Tinh [[x* 4+ ix.
Traloi: ....................
Loi giai

Dap an:

7m (m 1a tham sd).
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Cidnh Diéu

Cau 25.

Tra loi:

Dap an:

Cau 26.

Tra loi:

Dap an:

Cau 27.

Tra loi:

Dap an:

Cau 28.

Tra loi:

Dap an:

Cau 29.

Tra loi:

Dap an:

Cau 30.

Tra loi:

Dap an:

Cau 31.

Tra loi:

Dap an:

Cau 32.

Tinh [{Wx + 1o~ + 1.

Tinh | (2\/_ —%jdx.

1

\/E+ 3x

Tinh J- dx .

Loi giai

Loi gidi

Loi gidi

Loi gidi

Loi giai

Loi gidi

Loi gidi

Loi giai
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Dap an:

Cau33. Tim m dé F(x)= mx’ +(3m+2)x2 —4x+3 1a mdét nguyén ham cua ham sO

f(x)=3x>+10x—4.

Traloi: ....................
Loi giai
Pap an:
Cau34. Tim ab,c dé F(x)=(ax>+bx+c)Nx’—4x 14 mdt nguyén ham cua ham sd

F(x)=(x=2nx*—4x.

Traloi: ....................
Loi giai
Dap an:

Cau3s. Tim ab,ec d F(x)=(ax*+bx+c)2x—-3 1la mdt nguyén ham cua ham sb

Fo) = 20x —30x+7 |
2x-3
Traloi: ....................
Loi giai
Dap an:

DANG 2

NGUYEN HAM HAM LUQNG GIAC
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1. Bang nguyén ham ham s6 lwong giac

J-cosxdxzsinxvtC

Isinxdx:—costrC

de=tanx+C

2

Nguyén ham ham s6 hrgng giac J.
COS X

I .12 dx=-cotx+C
sin” x

Chu y: l+tan’ x = > 1+cot’ x = 3

CcoSs” x sin” x

PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong

an.

. . 7
Cau 36. Ham s6 F(x)=cotx 1a mot nguyén ham cua ham so nao dudi day trén khoang (0;5j

A.fZ(x)zsinlzx' B'fl(x)z_coizx' C'f“(x)zcoslzx' D']g(x)z_sinlzx'
Loi giai
Chon D.
Co I sir112 xdx=—cotx+C suy ra F(x)=cotx trén khoang (O;%} 12 mét nguyén ham cua ham s
1
]g(x):_sinzx'

Ciu 37. Chohamsd f(x)=1+sinx.Khang dinh nao duéi day dung?

A. J‘f(x)dx=x—cosx+C. B. If(x)dx=x+sinx+C.
C. jf(x)dx:x+cosx+C. D. jf(x)dx:cosx+C.
Loi gidi
Chon A.

Taco Jf(x)dxzj(1+sinx)dx :jldx+Isinxdx:x—c0sx+C.
" \ A1 A A _ 2 X
Cau 38. Tim nguyén ham F(x) ctia ham so f(x)—cos >
A. F(x)=2cos§+C B. F(x)=%(1+sinx)+c

C. F(x)=25in%+C D. F(x):%(l—sinx)+C
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Loi giai
Chon B.

1+cosx

Tac():f(x):coszng(x):J.coszgdx:J. >

dx:%I(1+cosx)dx:%(1+sinx)+C

Cau 39. Chohamsb f(x)=1- . Khing dinh nao duéi day dang?

2

cos’ x
A. jf(x)dx=x+tanx+C. B. If(x)dx=x+cotx+C.
C. If(x)dx=x—tanx+C. D. If(x)dx=x—cotx+C.

Loi gidi

Chon C.

1
de=||1- dx=x—t C.
If(x) J( coszxj x—tanx +

Céu 40. Ho nguyén ham ctia ham s6 £ (x)=cosx +6x 1a
A. sinx+3x* +C. B. —sinx+3x” +C. C. sinx+6x" +C. D. —sinx+C.
Loi gii
Chon A.
Tacé If(x)dx=I(cosx+6x)dx:sinx+3x2 +C.

Cau 41. Tim nguyén ham ctia ham s6 f(x) =2sinx+3x.

A. J-(Zsinx+3x)dx:—2cosx+§x2+C B. I(Zsinx+3x)dx:2cosx+3x2+C
C. j(Zsinx+3x)dx=sin2x+§x+C D. J‘(Zsinxjt?)x)dx=sir12x+§x2 +C
2 2
Loi giai
Chon A.

I(Zsinx+3x)dx = —2cosx+§x2 +C
2

Cau 42. Tith.(x —sinx)dx.

2 2 2 2

A.x—+sinx+C. B.x——cosx+C. C.x——sinx+C. D.x—+cosx+C.
2 2 2 2
Loi giai
Chon D.
x2
Tacéj(x—sinx) =?+cosx+C.

Céu 43. Ho nguyén ham ctia ham s6 f (x)=3x"+sinx 1a

A. x> +cosx+C. B. 6x+cosx+C. C. x’—cosx+C. D. 6x—cosx+C.

Loi giai
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Chon C.

Tacod I(3x2 +sinx)dx:x3 —cosx+C.

: | R
Cau 44. Ho nguyén ham ctia ham so f(x) =—+sinx la
X

1
A. Inx—cosx+C. B. ———cosx+C. C. 1n|x|+cosx+C. D. 1n|x|—cosx+C.
X

Loi giai
Chon D.

Thcéjf(ﬂdx={(l+$n%}h=Ildx+jﬁnmu=hﬂﬂ—umx+C.
X X

Cau 45. Cho If(x) dx = —cosx + C . Khang dinh nao dudi ddy dung?

A. f(x)=-sinx. B. f(x)=-cosx. C. f(x)=sinx. D. f(x)=cosx.
Loi giai

Ap dung cong thire [sinx dx =—cosx+C. Suy ra f(x)=sinx.

Céu 46. Cho hamsb f(x)= I cosgsing . Khang dinh nao dudi day ding?

A. J‘cosﬁsinﬁzlsinJrC. B. jcosisin£=lcosx+c
2 2 2 2 2 2
X . X 1. X . X 1
C. Icos—s1n—=——smx+C. D. jcos—sm—=——cosx+C
2 2 2 2 2 2
Loi giai

J‘cosisinﬁzl_‘.sinxdx = —lcosx+C
2 2 2 2

PHAN II. Céu tric nghiém ding sai. Trong mdi y A), B), C), D) & mdi cau, thi sinh chon diing hoic

sai.

Céu 47. Cac ménh dé sau ddy ding hay sai?

A. I(2+cot2 x)dxzx—cotx+C.
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Cianh Diéu

B. j l—coszgjdx=%(x+sinx)+C

2
C.I sin§+cos§j dx=x+cosx+C.

2
D.I sinﬁ—cosﬁ dx=x-cosx+C
2 2

Loi giai
A. B. C. D.
PUNG SAI SAI SAI

I(2+Cot2x)dx=I(1+1+cot2x)dx=j[l+ de:x—cotx+C

sin” x

J‘(l—cos2 %)dx=jsin2%dx =J.1_Czosxdx=%(x—sinx)+C

2
I(sin%+cos§j dx = I(l +sinx)dx =x—cosx+C

2
j(sin%—cos%) dx = I(l—sinx)dx =x+cosx+C

PHAN III. CAu tric nghiém tra 1oi ngan. Mi cAu héi thi sinh chi tra 161 dap an.

Cau 48. Tim nguyén ham F (x)cta ham sd £(x) = 2024 —2sin’ % .
Traloi: ....................
Loi giai

Dap an: F(x)=2023x-sinx+C
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= F(x)= j£2024—2sin2 gjdx = [(2023+cos x)dx = 2023x —sin x + C

. 1
Cau 49. Tim nguyén ham F(x)cua ham so f(x)= .
sin® *.cos? ~
2 2
Traloi: ....................
Loi giai
Dap an:

. 1 1
Cau 50. Tim nguyén ham F(x) ctia ham so f(x) = §x2 -2x +5tan2 X.

Traloi: ....................
Loi giai
Dap an:
.2 X
sin® =

Céu 51. Tinh [x|1-—2 |dx.
2

Traloi: ....................
Loi giai
Dap an:

2
Ciu 52. Tinh [x° [1+l—ta“2dex.

X X
Traloi: ....................
Loi giai
Dap an:

Cau 53. Tinh [ x(2024—%+smxjdx.
X

X
Traloi: ....................
Loi giai
Dap an:
_ , _
(sin 5 +cos 2] .
Cau 54. Tinh [x° —2x+ dx =.
JE 2024
Traloi: ....................

Dap an:
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Cdnh Diéu

1 3 4

Cau 55. Tinh [x* S =,
x2sin? Y cos? X XX
2 2
Traloi: ....................
Loi giai
Dap an:

DANG 3

NGUYEN HAM HAM MU

J.exdxzex +C
Nguyén ham ham s6 mii X
Jaxdxz ? ic (0<a¢1)
Ina
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Chay:
.J.eax+bdx:leax+b+c
a
ax+f
OJ-a“”ﬂdxzia +C (0<a=1)
a Ina

PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong
an.

Cau 56. Ho nguyén ham ciia ham s§ f(x) = €** 1a ham s6 nao sau day?
A. 3e"+C. B. %e3x+C. C. %ex+C. D. 3¢ +C.

Loi giai
Chon B.

Cich 1: [ dx = [ (&) dx = <) vc= i
Cach 2: Tric nghiém j dx = %e” +C, v6i C 1a hang sb bat ki.
Céu 57. Nguyén ham ciia hamsd y=¢" 1a
A. 2"+ C. B. ™' +C. C. —e""+C. D. %ex +C.

Loi giai
Chon C.
(62 )x s

+C=
: 2

Ciach 1: J.ez"‘ldx = Ie"l.(e2 )xdx =e . lne

Cach 2: jezx_ldx = %J‘ez"_ld@x—l) =%ez’“‘1 +C.

Cau 58. Cho hamsd f(x)=e" +2. Khang dinh nao dudi day 1a ding ?

A. j f(x)dx=e"2+C. B. j f(x)dx=e"+2x+C.
C. If(x)dx:e"+C. D. J.f(x)dxzex—2x+C.
Loi giai
Chon B.

Ta co: J.f(x)dx:J.(e" +2)dx=¢"+2x+C
Cau 59. Cho hamsd f (x) = ¢ +2x . Khang dinh nao duéi day dang?

A. jf(x)dx:ex+x2+C. B. If(x)dx:e"+C.
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C. [f(x)dx=e"-x*+C. D. [f(x)dx=c"+2x"+C.
Loi gidi
Chon A.
Tacé jf(x)dx:j(e"+2x)dx:e"+x2+C.
Céu 60. Tim nguyén ham cua ham so f (x)="7".

x+1

A. j7xdx=£+C B. j7)‘dx=7"“+c C. j7de: +C  D. j7*dx=7X1n7+C

In7 x+1
Loi giai
Chon A.
Ap dung cong thirc Iaxdx: ? iC ,(O<a¢1)
Ina
Céu 61. Nguyén ham cua hamsé y=2" 1a
X X X 2X X 2x
A [2°dr=1n22"+C. B. [2'dr=2"+C. C.[2rd==2+C. D.[2'dr="—4C.
In2 x+1
Loi giai
Chon C.
Do theo bang nguyén ham: Iaxdx: ’ +C.
Ina
Cau 62. Tét ca cic nguyén ham ciia ham s6 f(x)=3"" 1a
3 B . 3r
A. — +C B. -37+C C.3 "' In3+C D. +C
In3 In3
Loi giai
Chon A
Cich 1: [ f(x)dv=[3"dr=[(3") d(x) = 3 e3¢
In3™ In3
3*){
Cach 2: x)dx=|3"dx=- +C.
[reode=| —
Céu 63. Tim nguyén ham cia ham sd f (x)=3"+2x.
A [(3"+2x)dv = 2, B. [(3"+2x)dr=2"In2+x*+C
In2
C. (3 +2x)dr= 2 i x+C D. [(3"+2x)dx=2"In2+x+C
In2
Loi giai
Chon A.
x 2x 2
_[(3 +2x)dx= +x +C
In2
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Céu 64. Ho nguyén ham ctia ham s6 f (x)=e" —2x la.

A. e +x*+C. B.e"—x*+C. C. Lex—xz+C. D. e -2+C.
x+1
Loi giai
Chon B.

Ta co: J(e‘” —2x)dx:ex -x*+C

Cau 65. Tim nguyén ham ctia ham s6 f(x)=e"[2017—201§e J
X
A. jf(x)dx:2017eX—20}8+c. B. If(x)dx:2017e"+20}8+C.
X X
C. J‘f(x)dx=2017e"+50i’5+C. D. jf(x)dx=2017eX—50i’5+C.
X X
Loi giai
Chon C.
2018¢™" 2018 504,5
x)dx=|e"| 2017 - =1|2017¢" — =2017¢" + —+C
JCopar= 2017228 o aonrer - 2008 4
Cau 66. Ho nguyén ham ciia ham s§ y =¢* (2+ e; Jlé
Cos™ X
A. 2¢" +tanx+C B. 2¢" —tanx+C C. 2¢" - +C D. 2¢" + +C
COS X COS X
Loi giai
Chon A.
cos” x cos” x
X 1 X
J.ydx:J‘(Ze +— jdx:Ze +tanx+C.
cos” x
Cau 67. Tim ho nguyén ham ctia ham s6 y = x? —3"+l.
x
3 X 3
A. x——3——i2+c, CeR. B. x——3*+i2+c, CeR.
3 In3 x 3 X
x3 X x3 3x
. ———+n|x|+C, CeR. D. ———-In|x|+C, CeR.
3 In3 3 In3
Loi giai
Chon C.
3 X
Ta co: J(xz —3" +ljdx=x—— 3 +In|x|+C,CeR.
X 3 In3

Céu 68. Khing dinh nao dudi ddy ding?
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AIe"dx:xe“rC. B. J.exdx:e”l+C, C. Iexdx:—ex+1+C, D. Iexdx:ex+C,

Loi giai
Ta co .[exdx:ex+C.

Ciu 69. Cho hamsb f(x)=1+¢*". Khang dinh nao dudi ddy ding?

A. J-f(x)dxzx+%e"+C. B. jf(x)dx:x+2ezx+C.
C. J.f(x)dx:x+%ezx+c. D. jf(x)dx=x+ez"+C.
Loi giai

Ta céj(1+eZX)dx = x+%e“ +C.

PHAN II. Céu tric nghiém ding sai. Trong mdi y A), B), C), D) & mdi cau, thi sinh chon diing hoic
sai.

Céu 70. Cac ménh dé sau ddy dung hay sai?

A. jidx=1nx+c.
X

1
B.I 5 dyx=tanx+C.
cos” x

C. jsinxdxz—cosx+C.

D. Iexdx:ex+C.
Loi gii
A. B. C. D.
SAI PUNG PUNG PUNG
Ta co:
1
[—dr=In[x+C.
X
_[ 5 dx=tanx+C.
COS X

Isinxdx:—cosx+C.
Ie"dx=ex +C.
Céu 71. Cac ménh dé sau ddy ding hay sai?

A. jcosxdx:sinx+C.

e+l
B. Ixedx= X +C.
+1

(&
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Cidnh Diéu

1
C. j;dx:1n|x|+c.

ex-%—l
D. Iexdx = +C.
x+1
Loi giai
A. B. C. D.
PUNG PUNG PUNG SAI
ex+1
Tacézjexdx: +C saivijexdx:ex+C.
x+1
Cau 72. Céac ménh dé sau day diing hay sai?
A [27dx=2"In2+C.
B. Iez"dx = e +C.
2
C. J‘ex (e" — 1)dx :lez" +e" +C.
2
3 X
D. J‘e3x.3xdx=@+C
3+1In3
Loi giai
A B C. D
SAI PUNG SAI PUNG
Ta co:
szdx: 2 +C.
In2
2x
Jez"dx =—+C
Iex (e" = Dax = I(ezx —e")d =—e—e'+C
3\* 3\
J.e3x.3xdx:.[(383)xdx= (36 ) +C= (36 ) +
In(3¢’) 3+In3

PHAN III. CAu tric nghiém tra 1oi ngan. Mi cAu héi thi sinh chi tra 161 dap an.

Cau 73. Tinh j 2"+ 3%) dx .

Traloi: ....................
Loi giai

X X

+
In2 In3

+C

Dap an:
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Cianh Diéu

2" 3*
_l_
In2 In3

+C

j(zhr 3% dx =j2)‘dx+j3xclx:

Cau 74. Tinh [&*%*dx .

Traloi: ....................
Loi giai

Pap an: %emzm +C

1
J' o322 . 3xe2024 |~

Cau 75. Tinh j 3%2 224 gy

Traloi: .......ooooonn...

Loi gidi

Dap an: 18L+C
2In2+1n3
j3x+2.22x+1dx=j32.3*.2.4*dx=18j12de=18 12 e 12 ¢
In12 2In2+1n3

Ciu 76. Tinh [(3* +5") dx.

30"

25"

Traloi: ....................
Loi giai
Pap an: 2 + 30 +25 +C
2In3 In5+In3+In2 2In5
_[(3*+5x)2dx=f(9"+30’“+25x)dx= 9 +30’ +25 +C= ? + + +C
In9 In30 In25 2In3 In5+In3+In2 2In5
3x
Céu 77. Tinh [° Lo
e’ +1
Traloi: ....................
Loi giai
Dap an:

Ciu78. Tinh [(e"+e™ ) dx.

Traloi: ....................
Loi giai
Dap an:
2x
A r _1
Cau 79. Tinh j —dx.
—e
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Loi gidi

1
Pap 4n: Eez" +e"+C

Iﬁdxzjwdxzfex (ex —1)(1e" +1) dxzje" (e" +1)dx:_[(e2" +e“‘)dx

1-¢™* 1 e’ —

X

e
1 2x X
=—e " +e' +C
2

Céu 80. Chtmng minh F(x)=(4x—5)¢" 1a mot nguyén ham ctia ham sé f(x) = (4x—1)e” .
Traloi: ....................
Loi gidi
Dap an:
Vi F(x) 12 mot nguyén ham cia ham s6 f(x) nén F'(x)= f(x)
Tacod F'(x)=4e" +(4x—5)e* = (4x—1)e* = f(x) diéu phai ching minh

Céu 81. Tim nguyén ham F (x)cta cdc ham sd f(x)=me" +2a" —2sinx (m 1a tham sb)

Traloi: ....................
Loi giai
Dap an: F(x)=me" + 2a” +cosx+C
Ina
F(x) = j(mex +2a* —2sinx)dx =me" + 12;1; +cosx+C

CAu 82. Tim a,b,c dé F(x):(ax2+bx+c)e_2x la mdt nguyén ham cua ham s6

fx)=—2x*—8x+T)e **.

Traloi: ....................
Loi giai
a=1
Pap an: <b=5
c=-1

Vi F(x) 1a m{t nguyén ham ctia ham sb f(x) nén F'(x)=f(x)

Ta cé

F'(x)=(ax> + bx +c)e > =Qax +b)e >* —2(ax* + bx +c)e " =— [Zax2 + (Za — 2b) x+b— 20)} e ¥

2a=2 a=1
Do F'(x)=f(x) nén {2a-2b=-8<b=5
b—2c=7 c=-1
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CHU PE 2

NGUYEN HAM CO PIEU KIEN

| DANG 1 I
| BAI TOAN CHO HAM f(x), TIM NGUYEN HAM CUA f(x) |

PHAN 1. Ciu tric nghi¢ém nhiéu phwong 4n lra chon. Méi ciu héi thi sinh chi chon m§t phwong
an.
. . 1 )
Caul. Hamso F(x) 1a mot nguyén ham ciia ham s0 y=— trén (—o0;0) thoa man F(-2)=0. Khang
X

dinh nao sau day dung?

A. F(x):ln(_?x) Vxe(—oo;O)
F(x)=In|x|+C Vxe(-;0) véi C 1a mot s6 thyc bt ki.

F(x)= ln|x| +1In2 Vx €(—0;0).

T 0 %

F(x)=In(-x)+C Vxe(-»;0) véi C 1a mt sb thuc bat ki.

Céu2. Biét F(x) 1a mot nguyén ham cua ham s6 f(x)=¢* va F(0)=0.Gié tri cia F(In3) bang
A.2. B. 6. C.8. D. 4.

Céu3. Cho F(x) 1a mdt nguyén hamcia f(x)=2"+x+1.Biét F(0)=1.Tinh F(-1) két qua la.

1 1 1
A, F(-1)= . B. F(-1)=—- .
( ) 2In2 ( ) 2 2In2
1 1 1
C. F(-1)=1 . D. F(-1l)=———.
( ) +21n2 ( ) 2 In2

Cau4. Timnguyénham F(x) ciiahamsd f(x)=sinx+cosx thoa min F(%j =2.

A. F(x)z—cosx+sinx+3 B.F(x)z—cosx+sinx—1

C. F(x)=—cosx+sinx+1 D. F(x)=cosx—sinx+3

Cau5. Cho F(x) 1a mot nguyén ham cua ham sé f(x)=e"+2x thoa man P(O):%. Tim F(x).
x 2 1 x 2 5
A. F(x)=e +Xx -I-E B. F(x):e +x +E

C.F(x):e"+x2+% D.F(x):Ze"+x2—%



Dai 56 12 - Chuong 4 - Nguyén ham. Tich phin — Bai tip theo chwong trinh méi 2025 Cinh Diéu

2x—1 khix>1

, gia st I’ 1a nguyén ham cua trén R thoa man
3x* =2 khix<1 8 s !

Céu 6. Cho ham sé f(x) ={

F(0)=2.Gidtrj cia F(-1)+2F(2) bang.

A. 9. B. 15. C.11. D. 6.

2x+3 khi x2>1

) . . Gia sit F 1a nguyén ham ciia ham sé f trén R
3x’+2 khi x<l1

Cau7. Chohamsd f(x) ={

thoa man F(0)=2. Gia tri cia F(~1)+2F(2) bang
A.23. B.11. C.10. D.21 .

2x+2  khi x21

3P4l khi . Gia st F la nguyén ham cia f trén R thoa man
X+ i x<

Cau8. Cho ham sb f(x):{

F(0)=2.Giatri cia F(—1)+2F(2) bang

A. 18. B. 20. C.9. D. 24.

PHAN II. Cau tric nghiém tra 161 ngin. M&i cAu héi thi sinh chi tra 10i dap an.

Ciu9. Cho ham s f(x)=2x+e". Tim mdt nguyén ham F(x) cta ham s6 f(x) théa man
F(0)=2024.

Traloi: ....................

Céu 10. Tim nguyén ham F(x)ctia ham & f(x)=sinx+1 biét F(%] 0.

Traloi: ....................

Cau 11. Cho F(x) la mdt nguyén ham cia f'(x)= (5x+3)5 .Biét F(1)=0. Tinh F(0).

Tra loi: ..o

Céu 12. Cho F(x) 1a mdt nguyén ham ciia f(x)= x> —4x+5. Biét F(1)=3. Tinh F(0).

Traloi: ....................

Cau 13. Cho F(x) la mot nguyén ham ciia f(x)=3-5cosx. Biét F(7x)=2. Tinh F(%J .

Traloi: ....................
A - N 3-5x" . ,
Cau 14. Cho F(x) la mét nguyén ham ctia f(x)= .Biét F(e)=1.Tinh F(2).
Traloi: ....................
2+l

Cau 15. Cho F(x) la mét nguyén ham ctia f(x)=

. Biét F(1) =%. Tinh F(-1).

Traloi: ....................
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3
x7 =1

x2

Céu 16. Tim nguyén ham F (x)cta hams6 f(x)= biét F(-2)=0.

Traloi: .......ooonn...
1

s

Cau 17. Tim nguyén ham F (x) ctia ham s6 f(x) = x\/; + biét F(1)=-2.

Traloi: ....................

Cau 18. Tim nguyén ham F(x)cta hamso f(x)=sinx+1 biét F(%j =0.

Traloi: ....................

Cau 19. Tim nguyén ham F (x)ctia ham s& f(x)=2024 —sin’ % biét F[%] =2025.
Traloi: ....................

Céu 20. Timnguyén ham F (x)ctia ham s6 f(x)= sin’ %.coszg biét F(%) =0.
Traloi: ....................

2x+5, x2>1

Cau 21. Cho ham s6 f(x)= 5 ~ . Gia st F 1a nguyén ham cua f trén R thoa man
3x*+4, x<l1
F(0)=2.Tinh gid tri cia F(-1)+2F(2).

Traloi: ....................

. 1 .
Ciu 22. Goi F(x) la mot nguyén ham cua ham s0 f(x)=2", théa man F(0)= 7 Tinh gia tri biéu
n

thitc 7= F(0)+ F(1)+...+ F(2018) + F(2019).

Traloi: ....................

Cau 23. Cho F(x) la mdt nguyén ham ciia ham s f(x)=—

. Biét F(£+k7zj:k véimoi keZ.
cos“ x 4

Tinh gia tri ctia biéu thite 7= F(0)+ F(7)+F(27)+...+ F(107).

Traloi: ....................

r— o ]
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Canh Diéu

BAI TOAN CHO HAM f'(x), TIM HAM f(x)

[£i(x)dx=f(x)+C

PHAN I. Cau tric nghiém nhiéu phwong 4n lra chon. Mdi ciu héi thi sinh chi chon mét phwong

an.

Céu 24. Cho ham s yzf(x) c6 dao ham la f’(x)212x2+2,Vxe]R va f(l):3. Biét F(x) la

nguyén ham cua f(x) thda man F(O) =2, khi do F(l) bang

A. 3. B.1.

C.2.

D.7.

Cau 25. Cho ham sb f(x) thoa man f(x) =3-5sinx va f(O) =10 . Ménh dé nao duéi day ding?

A. f(x)=3x—5cosx+15

C. f(x):3x+5cosx+5

B. f(x)=3x—5cosx+2

D. f(x):3x+5cosx+2

Chu 26. Hams0 f(x) c6 dao ham lién tuc trén R va: f'(x)=2e™ +1, Vx, f(0)=2.Ham f(x) 1a

A. y=2¢e" +2x. B. y=2e"+2.

C.y=e¢""+x+2. D. y=e” +x+1.

Céu 27. Chohamsd f(x) théaman f'(x)=2-5sinx va f(0)=10. Ménh dé nao dudi day ding?

A. f(x)=2x+5cosx+3.

C. f(x)=2x+5cosx+5.

Chu 28. Chohamso f(x) théa man f’(x):ax2+i3,f’(1)=3,f(1)=2,f
X

N
N

bang

A2 B. 0.

2

Cau29. Tim mét nguyén ham F (x) cua

3 3 7
A. F(X)=EX2 E—Z
C F(x)=%x2+23—x+%

B. f(x)=2x—5cosx+15.

D. f(x)=2x-5cosx+10.

l :—L.Khid(') 2a+b
2 12

C.s. D. >
2
\ A b A N
ham  s0  f(x)=ax+—(x#0),biét rang
x
B F(x)=3x2—i—Z
4" Tox 4
D. F(x)—ixz—i—l
2 2x 2
x+1

f(2)= 2ln2—%. Gid tri cua bieu thiue f(~1)+ f(4) bang

A 6ln2—3. B 6ln2+3.

4 T4

8In2+3
4 T4

C.
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PHAN II. Céu tric nghiém tra 10i ngin. Mi ciu héi thi sinh chi tri 1oi dap an.

Cau31. Ham sé f(x) co dao ham lién tyc trén R va: f’(x):2024—25in2§, Vv, f(%}: 2013”

Tim ham f(x)
Traloi: ....................
Chu 32. Ham s f(x) c6 dao ham lién tuc trén R va: f'(x)=1+€™, Vx, f(0)=2. Tim ham f(x)

Traloi: ....................

CAu 33. Ham sd f(x) co6 dao ham lién tyc trén R va: f'(x)=2"+ 3", Vx,f(0)=li. Tim ham
n

f(x)
Traloi: ....................

Cau34. Ham s f(x) c6 dao ham lién tuc trén R va: f'(x)=e""7"*, Vx, f(-675)=1. Tim ham

/()

Traloi: ....................

Cau 35. Ham s6 f(x) c6 dao ham lién tuc trén R va: f'(x)=3"7.2"", Vx, £(0)= S - Tim ham

n

£(x)

Traloi: ....................

A \ ,( . \ . A Nt _(ax  ex)? _ 1

Cau 36. Ham so f(x) c6 dao ham lién tyc trén R va: f (x)—(3 +5 ) , Vx,f(O)— ITIRICYEICR

Tim ham f(x)

Traloi: ...l
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CHU PE 2

NGUYEN HAM CO PIEU KIEN

| DANG 1 I
| BAI TOAN CHO HAM f(x), TIM NGUYEN HAM CUA f(x) |

PHAN 1. Ciu tric nghi¢ém nhiéu phwong 4n lra chon. Méi ciu héi thi sinh chi chon m§t phwong
an.
. . 1 )
Caul. Hamso F(x) 1a mot nguyén ham ciia ham s0 y=— trén (—o0;0) thoa man F(-2)=0. Khang
X

dinh nao sau day dung?

Al F(x):ln(_?x) v e (<o50)
B. F(x)=In|x|+C Vxe(-0;0) véi C 1a mdt sb thuc bat ki.
C. F(x)=In|x|+In2 Vx & (-;0).
D. F(x)=In(-x)+C Vxe(-x;0) v6i C la mot sb thuc bat ki.
Loi giai
Chon A.

Taco F(x)= jldx =In|x|+C=In(-x)+C véi Vxe(—x;0).
X

Laicod F(-2)=0<In2+C=0<C=-In2.Do d6 F(x):ln(—x)—ln2:1n(_7xj.

Vay F(x)zln(_?xj Ve (<o0;0)

Cau2. Biét F(x) 1a mot nguyén ham cia hamsé f(x)=¢" va F(0)=0. Gié tri ciia F(In3) bang
A. 2. B. 6. C.8. D. 4.
Loi gidi
Chon D.
1

F(x):jezxdx:%e“_,_C;F(O):0:> C:—%:F(x):%ezx 1

Khi 6 F(ln3)=%e2m3—%=4.

Cau3. Cho F(x) 1a motnguyén hamcia f(x)=2"+x+1.Biét F(0)=1. Tinh F(-1) két qua la.

1

A. F(-1)= )
( ) 2In2
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1 1 1
C. F(-1)=1 . D. F(-1)=———.
( ) Jr2ln2 ( ) 2 In2
Loi giai
Chon B.
1 1
F(x):J.(2x+x+1)dx:E2x+§x2+x+C.
I x 1,
= F(x)=—=2"+=x"+x+C.
In2
1 o 1., 1
F(0)=121=—2"+-0"+0+C=>C=1-—
In2 2 In2
:>F(x)=L2x+ X x4 l-—
In2 n?2
:>F(—1)=L2’1+l—1+1——:> (—):l— !
In2 2 n 2 2mn2

Cau4. Timnguyén ham F(x) clia hamsd f(x)=sinx+cosx thod man F[%) =2.

A. F(x)=—cosx+sinx+3 B. F(x)=—cosx+sinx—1
C. F(x)=—cosx+sinx+1 D. F(x)=cosx—sinx+3
Loi gidi
Chon C.

Co F(x):jf(x)dx:I(sinx+cosx)dx=—cosx+sinx+C

Do F(%)=—cos%+sin%+C=2<:>l+C=2<:>C=1 :F(x)=—cosx+sinx+l.

Cau5. Cho F(x) 1a mot nguyén ham ciia ham sé f(x)=e"+2x théamin F(0)= % Tim F(x).

A.F(x):e’“+x2+% B.F(x):e"+x2—|-E
C.F(x):e”+x2+E D.l—“(x):Ze’(+x2—l
2 2
Loi giai
Chon A.

Ta ¢ F(x)=j(e"+2x)dx:ex +x2+C

Theo bai ra ta co: F(O)=1+C=%:>C=%.

2x-1 khix>1

, ‘ , gla st F' la nguyén ham cua f trén R thoa man
3x" -2 khix<l1

Chu 6. Cho ham s0 f(x) :{

F(0)=2.Giatri cia F(-1)+2F(2) bang.
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A. 9. B. 15. C.11. D. 6.
Loi giai
Chon A.
Ta co:

j(2x—1)dx:x2—)c+c1 ;
J.(3x2 —2)dx:x3 -2x+c,

S F(x) J«f( )dv x*—x+C, khix>1
uy ra X)= X =

Y ¥’ —2x+C, khix<1
Mataco F(0)=2=C, =2

Mait khac ham s6 F 1a nguyén ham cua f trén R nén y=F (x) lién tuc tai x =1

Suy ra )lci_rﬁF(x):limF(x):Cl =1.

x—1"

—x+1 khix>1 F(-1)=3
Khi d6 ta co: F(x)={x T tr= suyra{ (1)

X’ =2x+2 khix<l F(2)=3
Vay F(-1)+2F(2)=9.

2x+3 khi x2>1

s . .Gia sit F 1a nguyén ham cta ham s f trén R
3x*+2 khi x<l1

Cau7. Chohamsé f(x) ={

thoa man F(0)=2.Gia tri cia F(~1)+2F(2) bing
A.23 . B.11. C.10. D.21.
Loi giai

Chon D.

Khi x>1 thi F(x)= J.f(x)dx = [(@x+3)dx =x" +3x+C,

Khi x<1 thi F(x)=jf(x)abc=j(3x2 +2Mdx =x* +2x+C,

Theo gid thiét F(0)=2=C, =2 Ta c¢6 lim f(x)=1lim f(x)= f(1)=5 nén ham sd f(x) lién tuc tai
x—1" x—1"

x=1.

Suy ra ham s& f(x) lién tuc trén R .

Do d6 ham s F(x) lién tuc trén R = lim F(x) = lim F(x) = C+4=C,+3=C =1

x—-1" x—1
Vay F(-1)+2F(2)=-3+C,+2(10+C,)=21

2x+2  khi x=1

3P4l khi . Gia st F la nguyén ham cia f trén R thoa man
X+ i x<

Cau8. Cho ham sb f(x):{

F(0)=2.Giatri cia F(—1)+2F(2) bang
A.18. B. 20. C.9. D. 24.

Loi gidi
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Chon A.

x*+2x+C, khi x>1

F languyén him cia /' trén R nén F(x)= |
anguyén ham cua f trén R nén F(x) {x3+x+C2 khi x<1
Taco: F(0)=2=C,=2. (1)

Do F liéntuctai x=1 nén limF(x) = limF(x) = F(l)

x—1* x-1"

()
& C+3=C,+2aC+3=4C =1.

X +2x+1 khi x>1

Do dd F(x)= )
() {x3+x+2 khi x<1

Suyra F(-1)+2F(2)=18.

PHAN II. CAu tric nghiém tra 10i ngin. Mi ciu héi thi sinh chi tri 1oi dap an.
Cau9. Cho ham sé f(x) =2x+¢e". Tim mft nguyén ham F(x) ciia ham sb f(x) théa man
F(0)=2024.
Traloi: ....................
Loi giai
Pap an: F(x) =x"+e" +2023
Ta co jf(x)dxzj(2x+e’“)dx =x"+e" +C.
Co F(x) la mot nguyén ham cua f(x) va F(O) =2019.
F(x =x"+e"+C
Suy ra =1+C=2024 < C=2023.
Vay F(x)=x"+e"+2023.
Céu 10. Tim nguyén ham F(x)cta hamsd f(x)=sinx+1 biét F(%j =0.
Traloi: ....................
Loi giai

3oz

Pap an: F(x)=x— N> %
ap an: F(x)=x cosxF =~

:>F(x)=I(sinx+1)dx=x—cosx+C

Do F z :0:£—cos z +C:O<:>C:£—£
6 6 6 2 6

3oz

Véy nguyén ham can tim la: F(x)=x—cosx L
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Cau 11. Cho F(x) la mdt nguyén ham cia f'(x)= (5x+3)5 .Biét F(1)=0. Tinh F(0).

Traloi: ....................
Loi giai
Dap an: F(O) = —%
f(x) = (5x+3)5
(5x+3)°
Flx)= dx =|(5x+3)dx=—"—"""+C
= (x) If(x)x I( x+3)dx 30 +
6
1%0:0:0:911244h:czf3£n
6
:>F(x):(5x+3) 131072

30 15

_(5.0+3)° 131072 52283
30 15 6

= F(0)

Cau 12. Cho F(x) la mot nguyén ham cua f(x)= x> —4x+5.Biét F(1)=3. Tinh F(0).
Traloi: ....................
Loi gidi

Dap an:

Cau 13. Cho F(x) la mdt nguyén ham ciia f(x)=3-5cosx. Biét F(z)=2. Tinh F(%) .

Traloi: ....................

Loi giai
Dap an:

A - NPT 3-5x . ,

Cau 14. Cho F(x) la mot nguyén ham cia f(x)= .Biét F(e)=1. Tinh F(2).
Traloi: ....................

Loi gidi
Dap an:

241

Cau 15. Cho F(x) la mt nguyén ham cta f(x)= . Biét F(1) :%. Tinh F(-1).

Traloi: ....................
Loi gii
Dap an:
3
Cﬁu16.'ThnnguyénhmnF(x)cﬁahmnsé‘fQj=xx;_ biét F(-2)=0.

Traloi: ....................

Loi giai
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Dap an:
1

s

Céu 17. Tim nguyén ham F (x)ciia ham sé f(x) = xy/x +—= biét F(1)=—-2.

Traloi: ....................
Loi giai

Pap an:
Céu 18. Tim nguyén ham F (x) cta ham sé f (x)=sinx+1 biét F(%] 0.

Traloi: ....................
Loi giai

Pap an:
Céu 19. Tim nguyén ham F (x) ctia ham s& f(x)=2024 —sin’ % biét F[%J =2025.

Traloi: ....................
Loi giai

Dap an:
Cau 20. Tim nguyén ham F(x) ctia ham s6 f(x) = sin’ %.coszg biét F(%) =0.

Traloi: ....................
Loi giai

Dap an:

2x+5, x2>1

5 . Gia st F 1a nguyén ham cia f trén R thda man
3x°+4, x<l1

Cau 21. Cho ham sb f(x):{

F(0)=2.Tinh gid tri cia F(-1)+2F(2).
Traloi: ....................

Loi giai
Pap an: F(-1)+2F(2)=27

2x+5  khix>1 [F(x)=x’ >1
Tacc’)f(x):{x 1x :{ (X)=x"+5x+C, x

3x*+4  khix<l ~|F(x)=x"+4x+C, x<I

Vi F languyén hamcua f trén R théaman F(0)=2 nén C, =2= F(x)=x"+4x+2.
Vi F(x) lién tuc trén R nén F(x) lién tuc tai x =1 nén:
lg?F(x):}E{}F(x):F(l):>6+Cl:7:>C1:1

F(x)=x"+5x+2 x2>1

X = F(-D)+2F(2)=-3+2.15=27
Fx)=x"+4x+1 x<lI1

Vay ta co {
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. 1 :
Ciu 22. Goi F(x) la mot nguyén ham cua ham s0 f(x)=2", théa man F(0)= - Tinh gid tri bicu
n

thirc 7= F(0)+ F(1)+...+ F(2018)+ F(2019).

Traloi: ....................
Loi gidi
2020
Pap an: T = 2 -1
In2
2x
Ta c¢ =|2'dx= C
acojf(x)dx I —
F(x) 1a mdt nguyén ham cta ham sé f(x)=2",tacé F(x)=——+C ma F(0) L
In2 In2
2]C
=>C=0=F(x)=——.
In2

T =F(0)+F(1)+..+ F(2018)+ F(2019)

1 22020 _1 B 22020 _1

:L(1+2+22 +.. 4270 +22°19) =—.
In2 In2 2-1 In2

Cau 23. Cho F(x) la mdt nguyén ham ciia ham s f(x)=—

. Biét F(£+kﬂ'j=k voimoi keZ.
cos” x 4

Tinh gia tri cta biéu thirc T = F(O)+F(/Z)+F(27Z)+...+F(107Z’).

Traloi: ....................
Loi gidi
Dap an: T =44
dx
Ta co x)dx = =tanx+C.
jf( ) J‘coszx
tanx+C,, xe| -2 F|Z+o0r|=1+C,=0=C, =-1
22 4
tanx+C,, xe 2;3—7[ ol =1+C =1=C =0
22 4
3r Sx T
tanx+C,, xe| —;— F|—+2r |=1+(C,=2=C, =1
Suyra F(x)= 272 = 4
tanx+C,, xe| LZ10% F| 2497 |=14C,=9=C, =8
2 2 4
tanx+C,,, xe(%;%) F(%+107rj=1+C10=10:>C,0=9.

Vay F(0)+F(z)+F(2z)+..+F(107)=tan0—1+tan 7 + tan 2z +1+...+tan 1077 +9 = 44,
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DANG 2
BAI TOAN CHO HAM f'(x), TIM HAM f(x)

[£(x)dx=f(x)+C

PHAN I. Cau tric nghiém nhiéu phwong an lwa chon. Mdi ciu héi thi sinh chi chon mét phwong
an.
Cau 24. Cho ham s6 y:f(x) c6 dao ham la f’(x)212x2+2,Vxe]R va f(l):3. Biét F(x) la
nguyén ham cua f(x) thoa man F(O) =2, khi do F(l) bang
A. 3. B.1. C.2. D.7.
Loi giai
Chon B.
Taco: ['(x)=12x"+2,VxeR = f(x)=4x"+2x+C,.
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Ma f(1)=3=3=6+C,=>C,=-3= f(x)=4x+2x-3 = F(x)=x"+x"-3x+C,.
Laico: F(0)=2=C,=2= F(x)=x"+x"-3x+2.
Khi do: F(1)=1.

1

1
Cich khdc: Ta co: F(1)= [ f(x)dr+F(0) = [(4x +2x-3)dr+2=—1+2=1.
0

0

Cau 25. Chohamsd f(x) théamén f'(x)=3—5sinx va f(0)=10.Ménh dé no dudi day ding?

A. f(x):3x—5cosx+15 B. f(x):3x—5cosx+2
C. f(x)=3x+5cosx+5 D. f(x)=3x+5cosx+2
Loi gidi
Chon C.

Tacé f(x)=[(3-5sinx)dx =3x+5cosx+C

Theo gid thiét f(0)=10 nén 5+C=10=C=5.

Vay f(x)=3x+5cosx+5.

Cau 26. Himsd f(x) c6 dao ham lién tuc trén R va: f'(x)=2¢" +1, Vx, £(0)=2. Ham f(x) la
A. y=2e"+2x. B. y=2¢"+2. C.y=e"+x+2. D. y=e +x+1.

Loi giai

Chon D.

Taco: [ f'(x)dx = [(2¢™ +1)dx =¢* +x+C.

Suyra f(x)=e”+x+C.

Theobairatacod: f(0)=2=1+C=2<C=1.

Vay: f(x)=e" +x+1.

Céu 27. Chohamsd f(x) théamdn f'(x)=2-Ssinx va f(0)=10.Ménh dé nio dudi day dung?

A. f(x)=2x+5cosx+3. B. f(x)=2x—5cosx+15.
C. f(x)=2x+5cosx+5. D. f(x)=2x-5cosx+10.
Loi giai
Chon C.
Taco: f(x If I (2—5sinx)dy=2x+5cosx+C.

Ma £(0)=10 nén 5+C=10=>C=5.

Vay f(x)=2x+5cosx+5.
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Chu 28. Chohamso f(x) théa mén f’(x)zax2+%, ’(1):3,f(1):2,f[%]:—%.Khidé 2a+b
X

N
N

bang
A —i. B. 0 C.5 D 3
2 2
Loi giai

Chon C.

Taco f'(1)=3=a+b=3(1).

Ham s6 ¢6 dao ham lién tyc trén khoang (0;400), cac diém x =1, x:% déu thuge (0;4-00) nén

b ax’ b
x)= [ f/(x)dx = f[ax +— ]dx— 5 tC
a b
+ f()=2=-—=+C=2(2).
3 2
1 1 a 1
+ fl=|l=——=>—-2b+C=——(3).
/ 2] 12 24 12( )

a+b=3 4=2

Tu (1), (2) va (3) taduqchéphuorngtrinh«§—§+C:2 &ib=1 =2a+b=22+1=5.

11

a 1 =
= _2b+C=—— 6
24 12 )

Cau29. Tim mdt nguyén ham F(x)cia ham sé f(x)= ax+£2(x #0),biét  ring
x

A.F(x):ix2 3.7 B. F(x)=§x2_i_z
2 4x 4 4 2x 4
C F()c)=i)c2+i+Z D. F(x)_ixz_i_l
4 2x 4 2 2x 2
Loi giai
Chon C
b
T F dx = — |dx=—ax’-=+C
aco F(x) J.f()x j(ax+ ]x ax’ ——+
la+b+C:1 b:—3
F()=1 |2 2
Theo baira 1 F(1)=4 < la b+C=4< a:%
(1) 0 a+b=0 C:%
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Vay F(x):%x2 +i+1.

Cau30. Cho ham s6 f(x) xéc dinh trén R\{0} thoa man f’(x):x—tl, f(=2)== va
X

3
2
f(2)= 2ln2—%. Gié tri cuia bicu thae f(—1)+ f(4) bang

. 6ln2—3. B. 6ln2+3. C. 81n2+3. D. 81n2—3.

4 4 4 4

A

Loi giai
Chon C.
Co f(x)=[f'(x)dx=]

x+1

2dlenx—lJrC
X X
1n|x|—l+cl khi x <0
= f(x)= i
In|x|-—+C, khix>0
X

Do f(-2)=2=In2+4+C =>=C =1-In2
2 2 2
3 1 3
Do f(2)=2I2-> = m2-—+C,=2I2->=C, =n2-1

1n|x|—l+1—1n2 khi x <0

Nhu vay, f(x)= xl
In|x|-=+In2-1  khix>0

X

Viy f(-1)+/(8)=(2-1n2) a1 <202

PHAN II. Ciu tric nghi¢m tra 10i ngin. M3i ciu héi thi sinh chi tra 161 dap an.

CAu 31. Ham s f(x) c6 dao ham lién tuc trén R va: f’(x) =2024—25in2%, ‘v’x,f(ﬁ) = 20237

2) 2
Tim ham f (x)
Traloi: ....................

Loi giai

Pap an: f(x)=2023x—sinx+1
f(x)= 2024—25in2%
= f(x)= j(2024—2sin2 g]dx = [(2023+cos x)dx = 2023x —sin x + C

= f(x)=2023x-sinx+C
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Vs 20237
/ (Ej )
20237

- =ﬂn3%—gn§+Cc>C=1

:>f(x):2023x—sinx+1
CAu 32. Ham s f(x) c6 dao ham lién tyc trén R va: f'(x)=1+¢*, Vx, f(0)=2. Tim ham f(x)
Traloi: ....................
Loi gidi
Dap 4n: f(x):x+%ezx+l
f'(x):1+e2x
:>f(x)=j(1+ezx)dx=x+%ezx+C
:>f(0)=1+C<:>2=1+C:>C=1

:>f(x)=x+%ezx+l

Chu 33. Ham s6 f(x) c6 dao ham lién tyc trén R va: f'(x)=2"+ 3", Vx,f(O):lL. Tim ham

n3
f(x)
Traloi: .......ooinn...
Loi giai
2° 3 1
D, 2 . =
ap an f(x) 1n2+1n3+1n2
fl(x)=2"+ 3"
:>f(x)=j(2"+ 3x)dx=j2xdx+f3xdx= 2.3 c
In2 In3
PR
= C
=)= st
f(0)= 1 = : = 1 + ! +C<:>C=L
In3 In3 In2 In3 In2
2F 3" 1
:f(x)_ln2+ln3+ln2

Chu34. Ham s6 f(x) c6 dao ham lién tyc trén R va: f'(x)=e"""™, Vx, f(~675)=1. Tim ham

f(x)
Traloi: ....................

Loi giai
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Pap an: f(x)= %e””‘m +1—%

fr(x) — e3x+2024

— f(x) :J‘e3x+2024dx:%63“2024 e

f(—675)=1
:>1=le3‘(_675)+2024+C:>C=1—i
3 3e
:f(x):le3x+2024+1_L
3 3e
Cau 35. Ham s f(x) c6 dao ham lién tuc trén R va: f'(x)=3"72"", Vx,f(O):21 5 Tim ham
n
f(x)
Traloi: ....................
Loi giai
12° 1 18
Pap an: x)=18 + —
P f( ) In12 2In2 2In2+1In3
fr(x) — 3x+2.22x+1
! 127
= f(x)=|3"22""dx=3%3"2.4dx=18|12"dx =18 +C
(=] J J 2
12°
= f(x)=18 +C
f( ) In12
1
0)=
f() 2In2
= ! =18 ! +C=C= ! — 18
2In2 In12 2In2 2In2+1n3
= f(x)=18 12 + L 18
In12 2In2 2In2+In3
Cau 36. Ham s f(x) c6 dao ham lién tuc trén R va: f'(x)=(3x+5")2, Vx,f(0)= ! .
) ' In5+In3+1n2

Tim ham f(x)
Traloi: ....................

Loi giai
:9"+ 30" +25)‘_1_1
2In3 In5+In3+In2 2In5 2In3 2In5

Pap an: f(x)

f'(x)=(3+5)

:>f(x):_[(3x+5x)2 dx:j(g* +30"+25")dx = 1zx9+1i(§0+1i52; e
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Cidnh Diéu

9* 30° 25*
= + + +C
2In3 In5+In3+In2 2In5

= f(x)= A 30 2
2In3 In5+In3+In2 2Ins
1
0) =
f() In5+In3+In2

1 1 1 1 1 1
= = + + +CC=- -
In5+In3+In2 2mn3 In5+In3+In2 2In5 2In3 2In5

:>f(x)

_9"+ 30° +25'”_1_1
2In3 In5+In3+mn2 2In5 2mn3 2In5
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Cianh Diéu

CHU DE 3
NGUYEN HAM HAM AN

Can nhé cac cong thirc dao ham cia ham hop

. Jf’(x)dx:f(x)+C
o £1(2)8(x)+ £ (x).2'(x)=[ £ () 2(x)]
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DANG 1

S(x) =g (x)hL 1 (x)]

1. Pi¢u kién ham an cé dang: {
f'(x)h[f(x)] = g(x)

Phwong phap giai:
. f'(x) =g(x)= f'(x) X = X).dx < d[f(x)]_ x).dx
e ¢ = gy e = [y -leto

x)h[f(x):l = g(x) & If'(x).h[f(x)].dx = Ig(x).dx & Ih[f(x)].d [f'(x)] = Ig(x)
Chu y: Ngoai viéc nghuyén ham hai vé, ta c6 thé 13y tich phan hai vé (tily cdu hoi ctia bai toan)

f )+ p(x)-f(x)=0
f @)+ p)[f(0)]"=0

2. Piéu kién ham an c6 dang:
Phwong phap giai:
o [ (x)+p(x) f(x)=0

£ A
f()+p(x) I

Chia hai vé voi f(x) ta duoc

=-p(x)

Suyra | %dx =~ peo)dx & In| £(x) = p(x)dx
Tir day ta dé dang tinh duge f(x)

o [()+px)[f)] =

Chia hai vé v6i [ /()] ta dugc f ,(x)n +p() =0 L '(x)n = —p(x)
[f(0)] [f(0)]

[/ (x )]

Suy ra I#d Ip(x)dx<:>
[f™]

3. Piéu kién ham 4n ¢6 dang: u(x) f (x)+u (x) £ (x) = h(x)

—=—[p(dx

Phuong phap giai:
D& dang thay rang u(x) f (x)+u (x) f(x) = [u(x)f (x)]
Do do u(x)f (x)+u (x) f(x) = h(x) & [u(x) f(x)] = h(x)
Suy ra u(x) f(x) = j h(x)dx

Tu day ta dé dang tinh dugce f(x)
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PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong

an.

Caul. Chohamsd f(x) théa man f(%j =0 va f'(x)sin’ %cos2 % =1. Tinh f(%}

S g g e

Cau2. Cho ham sd y=f(x) thoa man f'(x).f(x)=x4+x2. Biét f(0)=2.Tinh 1’ (2)

) 313
A. f (2)=F

332
15

c. 17(2)=2

B. /2(2)= =

D. /3 (2)=—"=.
/ ( ) 15
Cau3. Cho ham sb y=/f(x) co dao ham lién tuc trén doan [-2;1] théa man f(0)=3 va
(f(x)) S (x)=3x> +4x+2. Gid tri £(1) 1a

A 2¥42. B. 23/15. C. Y42 D. /15,

Cau4. Cho ham sé f(x) thoa méan f(2):—% va f'(x)=x| f(x)]2 véi moi x e R. Gia tri cua f(1)

bang
2 2 7 11
A f)=-= B. f(l)=—-= C. f(l)y=—~ D. f(l)=——
S@ 3 S@) 5 S@ p S@ 5
Cau5. Cho ham sd f(x) théa man f(2) :_E va f'(x)=4x’ [f :|2 voi moi x e R. Gia tri cua
/(1) bang
391 B _L 4 1
400 T 40 " 400 T 10
Cau 6. Cho ham s6 f(x) thoa man f(2)=—— va f'(x)=x [f ]2 véi moi xeR. Gia tri cua
/(1) bang
. B. L c.- 2 p. -2
35 20 20 5

Céu7. Cho hams6 y= f(x) thoa man f(2)=—% va f'(x)=x"f?(x) VxeR. Gid tri cua £ (1)

bang

A. —2. B. —l. C. -1. D. —i.
3 2 4

Cau8. Cho ham s6 f(x)>0 xic dinh va lién tyc trén R dong thoi thoa man f (O):%,

f'(x)=—€"f*(x), VxeR . Tinh gid tri cua f(In2).
A. f(In2)=

B. f(In2)= C. f(ln2):ln2+%. D. f(In2)=1In’ 2+%.

-I>|>—‘
L»JI»—
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Chu9. Cho ham s6 f(x)=0 thoa man didu kién f’(x)=(2x+3)f>(x) va f(O):—%. Biét rang

tong f(1)+f(2)+f(3)+...+f(2024)+f(2025):% voi (a€Z,beN') va % 1a phan s i gian.
Ménh dé nao sau day ding?

A D<ol B.%>1. C. a+b=1010. D. b—a=1519.

Cau 10. Cho ham sb y=f(x) ddng bién trén (0;4); y=f(x) lién tuc, nhan gia tri dwong trén
(0;+o0) va thoa man f(3) =g va [f'(x)}z =x.f(x). Tinh £(8).

D. f(8)=43+3‘/§.

43-243
-

4342443

A. f(8) 5

B. f(8)

Cau 11. Cho hamsb f(x)>0 véimoi xeR, f(0)=1 va f(x)=+/x.f'(x) véimoi xeR.Ménh dé
nao dudi day dang?
A. f(3)<2 B.2< f(3)<4 C. f(3)>6 D. 4<f(3)<6

Cau 12. Cho ham s f(x) c6 dao ham cép hai trén doan [0;1] ddng thoi théa man céc diéu kién
F1(0)=-L 1" (x)<0,[ f'(x)] = f"(x),Vxe[0;1]. Gia tri f'(2) thudc khoang

A. (2:3). B. (-2;0). C. (0;2). D. (-3;-2).
Céau 13. Cho ham sé f (x) doéng bién c6 dao ham dén cip hai trén doan [0;2] va théa man

[£(x)] = (x).s"(x)+[ £'(x)] =0.Biét s(0)=1,f(2)=c. Khid6 f(1) bing

3 5

A. e2. B. ¢’. C. e, D. e’.
Ciu 14. Cho ham sd f(x) thoa mian (f'(x))’+ f(x).f"(x)=x’-2x, VxeR va f(0)=f'(0)=1.
Tinh gid tri ctia T = f(2)

A2 B. -2 c.2 p. 2
30 15 15 15

Caul5. Cho ham sb f(x) théa min [f'(x)] +/(x)./"(x)=2—x+1, VxeR va
£(0)=7"(0)=3. Gia tri ciia [ f(1)] bing

A. 28. B. 22. C. —. D. 10.

PHAN II. CAu tric nghiém tri 101 ngin. M&i cau héi thi sinh chi tra 10i dap an.


https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
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Chu 16. Chohamsd y = f(x) théaman )’ =xy* va f(-1)=1. Tinhgid trj f(2).
Traloi: ....................

Céu 17. Cho ham s f(x) #0, lién tuc trén doan [1;2] va théa man f(1) =%; X f(x)= 2 (x) véi

Vx e [1;2] . Tinh f(2)
Traloi: ....................

Cau 18. Cho ham s y = f(x) thoa man f(x) <0,Vx >0 va c6 dao ham f’(x) lién tuc trén khoang
(0;+00) thoa man f'(x)=(2x+1)/?(x),vx>0 va f(1) =—%. Tinh gia tri cia biéu thirc

T=f(1)+f(2)+..+1(2023)+ 1(2024).
Traloi: ....................

Cau 19. Cho ham s6 f(x) théaman f(0)=1-In2 va e f'(x)=2" [f(x)]2 vGi moi x € R. Tinh gia

tri cua f (1)
Traloi: ....................
Cau20. Cho ham s6 y=f (x) déng bién va c6 dao ham lién tyc trén R théa min

2

(f'(x)) =f(x)e’, VxeR va f(0)=2.Tinh f(2).

Traloi: ....................

Cau21. Gia st ham s6 y=f(x) lién tyc, nhan gia tri duong trén (0;+w) va théa man f(1)=1,
f(x):f'(x).\/a, voimoi x>0.Tinh f(5).

Traloi: .......onn..

Cau 22. Cho ham s f(x) ¢6 dao ham trén R thoa man e’ — =0 véi VxeR. Biét f(1)=1,

x
/(%)
tinh £ (e?)

Traloi: ....................

Céu 23. Chohamsé f(x) nhan gid trj dwong va thoa man £(0)=1, (f'(x)) =e*(f(x)) ,VxeR.
Tinh f(3)

Traloi: ....................

Cau24. Cho ham s6 y=f(x) c6 dao ham lién tyc trén R va théa man didu kién
X[ f(x)] +27[ f(x)-1] =0,¥xeR va f(1)=0. Tinh gia tri cia £ (2).

Traloi: ....................

Cau25. Cho ham sé f(x) thoa man [xf'(x)] +1=x*[1-f(x).f"(x)] v6i moi x duong. Biét

F(1)=/"(1)=1. Tinh gia tri f*(2).
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Traloi: ....................

DANG 2

H 1. Pidu ki¢gn ham 4n c6 dang: 4(x) f(x)+ B(x) f'(x)=h(x) (1)
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Y twdng giai:

¢ Ta can nhan thém mot luong u(x) vao (1) dé tao thanh u'(x) f(x)+u(x)f"(x)=u(x).h(x) va

lic nay:

¢ Cach tim u(x)

u'(x) = A(x)

u (x) duoc chon sao cho :{
u(x)=B(x)

N u'(x) _ A(x) :ju'(x)
u(x)  B(x) u(x)’

Tém lai phwong phap giai: A(x) f(x)+B(x)f"(x)=h(x) (1) nhu sau:

IA(X).dx

A A
dx = J. 38 dx = 1n|u(x)| = J‘%dx = u(x) =e

.[A(x).dx
+ Buwée 1: Tim u(x) : u(x)=e "

+ Buéc 2: Nhan u(x) vao (1) :f(x):M

2. Mt s6 dang diic biét ciia (1)

[ @)+ f(x)=h(x)
[ ()= f(x)=h(x)

a) Diéu kién ham an c6 dang:

Phwong phap giai:
¢ [0+ f(x)=h(x)
Nhan hai vé voi e* taduge ¢/ (x) +e* - f(x) = -h(x) & [ f(x)] =€ -h(x)
Suy ra e - f(x)= j " - h(x)dx
Tur day ta dé dang tinh duge f(x)
¢ [ ()= f(x)=h(x)
Nhan hai vé véi e~ taduge e f'(x) ¢ f(x) =™ -h(x) & e f(x)] = e h(x)
Suyra e ¥+ f(x)= j e - h(x)dx
Tir day ta dé dang tinh duge f(x)

b) Piéu kién ham 4n c¢6 dang: [ (x)+ p(x)- f(x) = h(x)
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Phwong phap giai:

A s Ay |p(odx
Nhan hai vé voi eI ta duogc

£ - s p)- " () = h)- T [f(x)-eI W] = ()

Suyra f(x)-e " = [ 7 By

Tur day ta dé dang tinh duge f(x)

Ciu 26. Cho ham s6 f(x) théa man f(x)+ f'(x)=e",VxeR va f(0)=2. Tét c cic nguyén ham
cua f(x)ex la
A x> +x+C. B. 2x* +2x+C.

C.2x*+x+C. D. %x2+2x+C.

0.

Ciu 27. Chohamsé y = f(x) lién tyc trén R théa man f'(x)+2x./(x)= e, VxeR va 7(0)

Tinh £ (1).

A f(1)=¢. B. f(l)z—é. c. r(1y==. D. f(1):§.

€
Cau28. Cho ham sé y=f(x) lién tuc trén R\{-1;0} théa man diéu kién: f(1)=-2In2 va
x.(x+1).f"(x)+ f(x)=x"+x.Biét f(2)=a+b.In3 (a, beQ).Gidtri 2(a’+b’) Ia

A.Z. B. 9. C.
4

D. 2>
2

Nlw

Cau29. Cho ham s6 y=f(x) lién tue trén R\{-1;0} théa man f(1)=2In2+1,
x(x+1) /1 (x)+(x+2) f(x)=x(x+1), VxeR\{-1;0}. Biét f(2)=a+bIn3, v6i a, b la hai sb hitu

ti. Tinh T =a”-b.

_3
16

21

A. T =—.
16

B. T C.T:%. D.T=0.

Cau 30. Cho ham s6 y = f(x) c6 dao ham lién tyc trén (0;+o0) théa man f’(x)+M =4x* +3x va
x

£ (1)=2. Phuong trinh tiép tuyén ciia d6 thj ham s6 y = f'(x) tai diém c6 hoanh d6 x =2 la

A. y=-16x-20. B. y=16x-20. C. y=16x+20. D. y=-16x+20.

Cau 31. Chohamsd y= f(x) lién tuc trén (0;+o0) thda man 2xf"(x)+ f(x) = 3x*x . Biét (1) :%'
Tinh £ (4)?

A. 24. B. 14. C. 4. D. 16.
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Céu 32. Cho ham sé f(x) théa man f(1)=4 va f(x)=xf"(x)—-2x"—3x* véi moi x>0. Gia trj cua

£(2) bang
A. 5. B. 10. C.20. D. 15.

MOT SO DANG KHAC
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Cau 33. Cho ham s6 y=f(x) lién tuc trén (0;+00) théa man 3x.f(x)-x".f"(x)=2/7(x), véi

f(x)#0,vxe(0;+0) va f(1) =§. Goi M, m lan luot 1a gia tri 16n nhat, gia trj nho nhat cia ham s
y=f(x) trén doan [1;2]. Tinh M + m.

A. i B. —. C.
10 10

W | W\

p. L.
3

Cau 34. Cho F(x) 1a mot nguyén ham cia ham sb f(x

N—

=e" (x3 —4x). Ham s6 F(x2 +x) c6 bao
nhiéu diém cuc tri?

A. 6. B. 5. C. 3. D. 4.
Cau 35. Chohamsb y = f(x). D0 thi cia ham sé y = f'(x)trén [-5;3] nhu hinh v& (phan cong ciia d6

thi 1a mot phan cta parabol y = ax® +bx+c ).

Biét £(0)=0, gid tri ctia 21 (-5)+3/(2) bang

A. 33. B.%. C.?. D. 11.
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Cianh Diéu

CHU DE 3
NGUYEN HAM HAM AN

Can nhé cac cong thirc dao ham cia ham hop

. Jf’(x)dx:f(x)+C
o £1(2)8(x)+ £ (x).2'(x)=[ £ () 2(x)]




Dai 56 12 - Chuong 4 - Nguyén ham. Tich phin — Bai tip theo chwong trinh méi 2025 Cinh Diéu

DANG 1

S(x) =g (x)hL 1 (x)]

1. Pi¢u kién ham an cé dang: {
f'(x)h[f(x)] = g(x)

Phwong phap giai:
. f'(x) =g(x)= f'(x) X = X).dx < d[f(x)]_ x).dx
e ¢ = gy e = [y -leto

x)h[f(x):l = g(x) & If'(x).h[f(x)].dx = Ig(x).dx & Ih[f(x)].d [f'(x)] = Ig(x)
Chu y: Ngoai viéc nghuyén ham hai vé, ta c6 thé 13y tich phan hai vé (tily cdu hoi ctia bai toan)

f )+ p(x)-f(x)=0
f @)+ p)[f(0)]"=0

2. Piéu kién ham an c6 dang:
Phwong phap giai:
o [ (x)+p(x) f(x)=0

£ A
f()+p(x) I

Chia hai vé voi f(x) ta duoc

=-p(x)

Suyra | %dx =~ peo)dx & In| £(x) = p(x)dx
Tir day ta dé dang tinh duge f(x)

o [()+px)[f)] =

Chia hai vé v6i [ /()] ta dugc f ,(x)n +p() =0 L '(x)n = —p(x)
[f(0)] [f(0)]

[/ (x )]

Suy ra I#d Ip(x)dx<:>
[f™]

3. Piéu kién ham 4n ¢6 dang: u(x) f (x)+u (x) £ (x) = h(x)

—=—[p(dx

Phuong phap giai:
D& dang thay rang u(x) f (x)+u (x) f(x) = [u(x)f (x)]
Do do u(x)f (x)+u (x) f(x) = h(x) & [u(x) f(x)] = h(x)
Suy ra u(x) f(x) = j h(x)dx

Tu day ta dé dang tinh dugce f(x)
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PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong

an.
Caul. Chohamsd f(x) théa man f(%j =0 va f'(x)sin’ %cos2 % =1. Tinh f(%j
r r T r
T N A O
Loi giai
Chon D.
Ta co:

£'(x)sin’ gcos2 g =1

1
:>f(x)=4jmdx
= f(x)=4cotx+C
Do f(%jzo:sc:—4
:>f(x)=4cotx—4

Ma f|Z |=4cotZ-4=0
2 2

Cau2. Chohamsd y=f(x) théaman f'(x).f(x)=x"+x".Biét f(0)=2. Tinh f*(2).

2 313 2 332 2 324 2 323
A f (2)=F' B. f (2)=F' C.f (2)=F' D. [ (2)=F'
Loi giai
Chon B.
Ta c6 J.f'(x).f(x)dxzj.(x“q-xz)dx.pcjmzx_s+x_3+c'
2 5 3

Do f(0)=2 nénsuyra C=2.

32 8 332
Vay f(2)=2| =+=-+2|=—"Z=.
y /7(2) (5 3 j 15
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Ciau3. Cho ham sd y= f(x) co dao ham lién tyc trén doan [-2;1] thoa man f(0)=3 va
(f(x))2 S'(x)=3x" +4x+2.Giatri f(1) 1a
A. 2342 B. 2315. C. 42 D. J15.
Loi giai
Chon C.
Ta cc'):(f(x))2 S(x)=3x" +4x+2 (%)
Lay nguyén ham 2 vé ciia phuong trinh trén ta dugc

I(f(x))z,f'(x)dx=j(3x2+4x+2)dx<:>J(f(x))zd(f(x))zxz+2xz+2x+c
(f ()
3

& :x3+2x2+2x+C<:>(f(x))3:3(x3+2x2+2x+C) (1)
Theo dé bai £(0)=3 néntir (1) tacd (£(0)) =3(0+2.0°+2.0+C) & 27=3C & C =9

= (f(x)) =3(x" +2x> +2x+9)

= ()= 3(x +22° +2x+9).

= f(1)=%/42
Cau4. Cho ham sd f(x) thoa min f(2)=—% va f'(x):x[f(x)]2 véi moi x e R. Gid tri ciia f(1)
béng
2 2 7 11
A f)y=-= B. f()=—= C. f()y=—2— D. f(l)=——
S@ 3 S@) 5 S@ 6 S@ 5
Loi gidi
Chon A.

Tir hé thite dé cho: £'(x) = x[ /(x)] (1), suy ra f"(x)>0 véi moi x [1;2].
Do d6 f(x) la ham khong gidm trén doan [1;2],taco f(x)< f(2) <0 véi moi x €[1;2].

Cich 1: ldy nguyén ham
, 2
') =x[f(x)]

ACIN
[f]

[-+)

= - =x

S(x)
()

= =—x
f(x)

=

=

1
o
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1 x’
= —_—
fx) 2
; 11 1 __ _
Ma f(2)= 33]‘(2) 2+C<::>_l 2+C=>C=-1
3
1 x’
= =——-1
fx) 2
L1 __2
Do do: 0 5 1< (D) 3

Cich 2: Lay tich phan

Chia 2 vé h¢ thite (1) cho [/(x)] = S _ x,Vxe[L;2].

r@p
Léy tich phan 2 vé trén doan [1;2] h¢ thuc vira tim dugc, ta duoc:
(G
1 [f(x)]2 1
¢ 3
2 df()C) ==
![f ()] 2
1 F :z
S 2
1 1 3
D S
SO f(2 2

Do f(2)=—§ nén suy ra f(1)=—§.

Cau5. Cho ham s6 f(x) théa man f(2)= _ZLS va f'(x)=4x’ [f(x)]2 voi moi x e R. Gia tri cla

£ (1) bang
2L B. - c.-L p.-L
400 40 400 10
Loi giai
Chon D.

=—x*'+C

aco f'(x)=4x| f(x zz—m:—ﬁ: ;’:—x3:>
R e T

Dof(2)=—%,néntac() C=-9.

1
(%)

1
x'+9

L
10

Do do f(x)=- = f(1)=

Céu 6. Cho ham s6 f(x) théa man f(2):—% va f(x)=x"[ f(x)] v6i moi xecR. Gia tri ciia
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£(1) bang

4 B /L c.. 2 p. -2
35 20 20 5
Loi giai
Chon D.
Taco: £'(x) = 2 f'(x)z 3 zf’(x)dxzz 3d
a co: f( ) X [f(x)] fz(x) X :>J.f2(x) Ix
2 15 1 1 15

“7ta).-

Céu7. Cho ham s6 y=f(x) théa man f(2):—% va f'(x)=x"f?(x) VxeR. Gid tri cua £ (1)

?Q_MJFW_T@

bang
A. —g. B. —l. C. -1. D. —i.
3 2 4
Loi gii
Chon C.
: S1(x) s S5 ; 1
Taco f'(x)=x1"(x) = =X = |—Fdi=|xdxs— =—+C.
(= my = = Ty e i
. 4 19 16 3 4
Ma f(2)=—E :>T=T+C:>C=Z.Suyra f(x):—x4+3.

Vay f(1)=-1.

Cau8. Cho ham s6 f(x)>0 xic dinh va lién tyc trén R dong thoi thoa man f (O)=%,
f'(x)=—€"f*(x), VxeR . Tinh gid tri cua f(In2).

A. f(1n2):i. B. f(ln2):%. C. f(1n2):1n2+%. D. f(1n2):1n22+%.
Loi giai
Chon B
Taco f'(x)=—e€" 2(x)<:>j]:2’((z))=—e" (do f(x)>0)
GO L 1
R T s
1 1

Ma f(0)=2= == C=-1
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Chu9. Cho ham s6 f(x)#0 théa man diéu kién f’(x)=(2x+3)f>(x) va f(0)= —%. Biét ring

tong f(1)+f(2)+f(3)+...+f(2024)+f(2025):% voi (a€Z,beN') va % 1a phan s6 i gian.

Ménh dé nao sau day ding?

A.%<—1. B.%>1. C. a+b=1010. D. b—a=1519.
Loi gidi
Chon D.
Ta co f’(x)=(2x+3)f2(x)<:>J]:;(();))ZZX—F?)
S'(x) 1
—dx=|(2x+3)dx & — = 3x+C.
'[f(x) j( x+3)dx & ) x*+3x+
Vi f(0)=-==C=2
A _ 1 _ 1 3 1
‘Vaytf(x)—- (x+l)(x+2) x+2 x+1°
1 1
10=373
1 1
f(2)=7-3
.. 1t
Ta co: f(3)—5 1
1 1

Do do f(1)+f(2)+f(3)+...+f(2024)+f(2025)=—%+ﬁ:_%_

DoacZ,beN =a=-506,b=1013=b-a=1519
Do @dbé.

Cau 10. Cho ham s6 y = f(x) dong bién trén (0;+e); y=f(x) lién tuc, nhan gid tri duong trén
(0;+o0) va thoa man f(3) 23 va [f'(x)]2 =x.f(x). Tinh f(8).

D. f(s):“;ﬁ.

43-243
—

4342443

A. 1(8) 5

B. f(8)

Loi giai
Chon A.
Ta c6 v6i Vx e(0;+00) thi y= f(x)>0; x+1>0.


https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
https://www.facebook.com/profile.php?id=100012368536410&fref=gc&dti=665874403588775
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Hamsd y = f(x) dong bién trén (0;+0) nén f'(x)>0,Vx € (0;+%).

Do do6

SWZ%I\/;dx

Dm=%\/?+(7.
2-343

Vi f(3)=gnén C= 3

1~ 2-343
:>m=§\/x—+T

:>f(x)=[§\/;+ 2_3‘sz

3

432443
S

suy ra f(8)

CAu 11. Cho ham sb f(x)>0 véimoi xeR, f(0)=1 va f(x)=\/;.f’(x) véi moi x e R. Ménh dé

nao dudi day dung?

A. f(3)<2 B.2<f(3)<4 C. 7(3)>6 D. 4< f(3)<6
Loi giai
Chon C.
Ta co:
S (x)=Nx.f(x)
fS1x)_ 1
T

:lnf(x)zj%dx
enf(x)=2dx+C

Ma f(0)=1nén C=0= f(x)=¢"" = f(3)=e"" >6
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Céu 12. Cho ham s6 f (x) c6 dao ham cip hai trén doan [O;l] ddng thoi thoa méan cac diéu kién

71(0)=—1/"(x)<0,[ £'(x)] = f"(x),¥xe[0;1]. Gia tri f'(2) thudc khodng

A. (2:3). B. (-2;0). C. (0;2). D. (-3;-2).
Loi gidi
Chen C.
['(0)] =r"(x)
AON

@]

1
:f,(x)——jdx
1
f’(x) -x+C
Ma f'(0)=-1=C=1
1
& ’(x)__XH
, 1
=/
= f(2) =51

Cau13. Cho ham s0 f(x) dong bién c6 dao ham dén cap hai trén doan [0;2] va thoéa mén

[£(x)] =7 (x)-"(x)+[f'(x)] =0.Biét s(0)=1,f(2)=¢. Khid6 f(1) bing

3 5

A. e2. B. . C. e2. D. e2.
Loi gii
Chon C.

Theo dé bai, ta c6
L7 ()T =1 (3£ (x) [ ()] =0

IO ORIACI
L]
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)
f(x)

=x+C

D=0

i {f(0)=1 @{0:2
Suyra : f(x):e%m :>f(1):e§.
Céiu 14. Cho ham sé f(x) thoa min (f'(x))*+ f(x).f"(x)=x’-2x, VxeR va f(0)=f'(0)=1.

Tinh gid tri ctia T = f(2)

s B. 10 c.® p. 2
30 15 15 15
Loi giai
Chon C.

Co

(/') + f(x)-f"(x) = x" = 2x

& (f(x).f1(x))'=x" —2x

= (). '(0) = [ (' = 2x)dx

= f(0).f'(x) = %x“ ~x¥+C

T f(0)=f'(0)=1.Suyra C=1.
Vay [0S0 =t a1
Tiép dén co:

21 (x).f'(x) = %x“ —2x% 42

& (2 (%) :%x“ ~2x% 42

= (0= (%x“ —2x7 +2)dx

2 1 5 2 3
= =—x ——x +2x+C
f(x) 1Ox 3x X
Tu f(0)=1.Suyra C=1.
Vay fz(x)zLxs—zx3+2x+l
' 10" 3 '

Do do T:ﬁ
15
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Ciul5. Cho ham sb f(x) thea min [f'(x)] +/(x)./"(x)=2x"~x+1, VxeR va
7(0)=£'(0)=3. Giatri cia [ £(1)] bing

A. 28. B. 22. C. —. D. 10.

Chon A.
Tacd [ £(x)/'(x)] =[/'(0)] +7(x) " (x).
Do d6 theo gia thiét ta dugc [f(x)f’(x)], =2x" —x+1.

Suy ra f(x)f'(x):§x3—%+x+C.Honnﬁ:a f(0)=/"(0)=3 suyra C=9.

Tuong tu vi [fz(x)]’ =2/ (x)f'(x) nén [fz (x)]' :2(§x3 —%2+x+9j.

2 3
Suy ra fz(x):j2(§x3 —%+x+9jdx:%x4—x?+x2+18x+C,

3

cingvi /(0)=3 suyra fz(x):%x4—x?+x2+18x+9.

Dodo [ /(1)] =28.

PHAN II. Ciu tric nghiém tra 16i ngan. Mdi cau héi thi sinh chi tra 16i dap an.

Céu 16. Chohamsé y = f(x) théamdn )’ =xy* va f(-1)=1. Tinh gid trj f(2).

Traloi: ....................
Loi giai
Pap an: f(2)=¢’
, ' 3 £+C
Ta co y’=xy2:>L=x2 jjldx:fxzdx@myzx—+C@y:e3 .
y y 3

’ —1+C 1
Theo gia thiét f(—1)=1 nén e * =1<:>C=§

¥l
XL

Vay y=f(x)=e’
Dodo f(2)=e¢.
Céu 17. Cho ham s f(x) #0, lién tuc trén doan [1;2] va théa man f(1) =%; X f1(x)= 2 (x) véi

Vx e [1;2] . Tinh f(2)

Traloi: ....................
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Loi giai
Pap an: f(2)=2
Cach 1: iy nguyén ham
Hoc sinh tur lam nhé

Cich 2: Liy tich phéin

Ta co

X f1(x) = f7(x)

S 1
i) X

!

() =
= | - =
fx)) ¥

21 Y 2
:-!(_f(x)]dx:-!‘?dx

(71
=\ - —
fx)), xh
1 1
=>——+t—=—
f@ s 2
1 11
> —t—=—
f2 s 2
1 111
dOf(l)—gz—%+§—5:>f(z)_—6

Cau 18. Cho ham s6 y = f(x) théa man f(x)<0,Vx >0 va c6 dao ham f'(x) lién tuc trén khoang
(0;+) théa man f'(x)=(2x+1)/*(x),Vx>0 va f(1) :—%. Tinh gia tri cta biéu thuc

T=f(1)+f(2)+...+ f(2023)+ 1 (2024).

Traloi: ....................
Loi giai

Dap an: T:—%

2025
Ta co:
S'(x)=(2x+1) /*(x)
o z(x) —2x+1

/(%)
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= - ! =x"+x+C.
S ()
Ma f(1)= 2:>C Ojf(x)_x2+x_x+l —
1
)==—1
7)1
1 1
p) P
f() 3 2
1 1
Tac: | f(3)=———
aco: < f(3) 173
1 1
2024) = —— ——
f( ) 2023 2024
1 2024
T=f1(1 2)+.... 2024)=-1+—=——.
= f( )+f( )+ +f( ) +2025 2025

CAu 19. Cho ham sé f(x) thoa man f(0)=1-In2 va ¢"f"(x)=2"[ f(x)] véi moi xeR. Tinh gia

tri cua f(l)
Traloi: ....................
Loi gidi
Pap an: f(1)= e—ezan
T gid thiétta o6: " (x) = =[ £ (x)] voi moi xe(1,2].
e

Do dé f(x)= f(1)=1>0 v6imoi xe[1;2].

Xét voi moi x e[1;2] ta co:

2

exf'(x):2" [f(x)]

= /()= 5]
-l

7))
~[5t) L)

= ~J(%) @
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)

1 (e
:f(x)_1—1n2+c

Ma f(0)=1-In2=C=0.

“ () 1-n2
1-In2
= f(x)= (2j
e
Vay f(l):e—e21n2

Cau20. Cho ham sb y=f(x) dong bién va c6 dao ham lién tuc trén R théa man

(f'(x)) = f(x)e", VxeR va £(0)=2.Tinh f(2).
Traloi: ....................
Loi gidi
Dap dn: f(2)=(e+V2-1)
Vihamsb y = f(x) dong bién va c6 dao ham lién tyc trén R dong thoi £(0)=2 nén f'(x)>0 va
£ (x)>0 véimoi x e[0;+).

X

T gia thiét (f'(x))2 = f(x).e", VxeR suyra f'(x)= f(x).eE, Vx €[0;+00).
1 X

f'(x) ——eE x €10;+c0
2f(x)_2 , Vx €[0;+).

Do do,

X

Léy nguyén ham hai v¢é, ta dugc ./ f (x) =2 +C, Vx €[0;+0) v6i C la hing s6 nao do.

Két hop véi f(0)=2,taduge C=+2-1.

Tir do, tinh duge £(2)=(e+v2-1) ~9.81.

Cau 21. Gia sa ham s y=f(x) lién tyc, nhan gia tri duong trén (0;+0) va théa man f(1)=1,
f(x)=f"(x)~3x, véimoi x>0. Tinh f(5).

Traloi: ....................

Loi giai
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245-2
Dap an: f(5):e B

Taco:
£ (x)=/(x) 5
f’(x) 1

l+C
Ma f(1)=1nénl=e" =C=-

2
N

252 252
Suyra f(5)=e"® P =e .

Cau 22. Cho ham s6 f(x) c6 dao ham trén R thoa man e’ - =0 véi VxeR. Biét f(1)=1,

/(%)
tinh f(ez)

Traloi: ....................
Loi giai
Dap an:

Céu 23. Cho hamsé f(x) nhan gid trj dwong va thoa man £(0)=1, (f'(x)) =e*(f(x)) ,VxeR.
Tinh f(3)
Traloi: ....................

Loi giai

Pap an: f(3) =e

Ta co: (f’(x))3 =e (f(x))z,‘v’xeR

& f'(x)=e J(f (%))

REAOI
J(r ()

o L) s
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& /() () =

| '

@3{(f(x))} e

1

@[<f<x>>3] e

3

<:>(f(x))% Zéj%/e_xdx

1 X

@(f(x))§=e§+C

f(0)=1=1=1+C=C=0

= (7)) =
= f(x)=¢"
= f(3)=¢’
Cau24. Cho ham s0 y=f(x) c6 dao ham lién tuc trén R va théa man diéu kién
X[ f(x)] +27[ f(x)~-1] =0,¥xeR va f(1)=0. Tinh gia tri cia £ (2).
Traloi: ....................
Loi gidi
Pap an: f(2)=-7
Ta c6
X[ (x)] +27[ £ (x)-1] =0
&3 [ ] =217 (0)-1]

G Y

()]
EC )

NCEI R

- /(%) __3
(f(x)-D3ff(x)-1 ¥
- f'(x) _ 1

S3( () -3 f(x)-1 ¥

[+
3f(x)—1 x’
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Dodéj[ ! }dx—jédx——l+0

7)1 :
Suy ra ! =—l+C.
Jf(x)-1 =

Co f(1)=0=C=0.

Do do f(x)=1-x".

Khi d6 f(2)=—7.

CAu25. Cho ham s f(x) thoa man [xf'(x)] +1=x*[1-f(x)./"(x)] v6i moi x duong. Biét

F(1)=/'(1)=1. Tinh gid tri /*(2).
Traloi: ....................
Loi giai

Dap an: f?(2)=2In2+2
Ta co: [xf'(x)}2 +1=x [l—f(x).f"(x)]; x>0
o2 [f1(x)] +1=x[1- £ (x).f"(x)]

N0 +%=1—f(x).f"(x)
S[F] +()f"(3)=1-

X

S[(x)L(x)] =1-=%

X

Dodo: [[ f(x).f"(x)] .dx=I[l—%).dx:f(x).f'(x)=x+l+C.

X

Vi f(1)=f'(1)=1=1=2+C=C=-1.

Nén _[f(x).f'(x).dxzj(x+%—1j.dx c>If(x).d(f(x))zj(x+l—1j.dx

X

:>_f2(x) x*

=—+Inx—-x+C.
2 2

Vif(l)zl:%:%—HC@C:l.

2 2
Vay fT(x)=%+lnx—x+1:>f2(2):21n2+2.
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DANG 2

1. Piéu kién ham 4n c6 dang: A(x)f(x)+B(x)f’(x) = h(x) (1)
Y twéng giai:
¢ Ta can nhan thém mot lugng u(x) vao (1) d€ tao thanh u'(x) f(x)+u(x) f'(x)=u(x).h(x) va

luc nay:
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¢ Cach tim u(x)

u'(x) = A(x)

u (x) duoc chon sao cho :{
u(x)=B(x)

A(x)dx
dx = ln|u(x)| = j%dx —u (x) _ efB(x).

N u'(x) _ A(x) Iu (x) J-
u(x)  B(x) u(x) B(x)

Tém lai phwong phap giai: A(x) f(x)+B(x)f"(x)=h(x) (1) nhu sau:

'[A(x).dx
+ Buwée 1: Tim u(x) : u(x)=e

+Bude 2: Nhan u(x) vao (1) = f(x)=

2. Mt s6 dang diic biét ciia (1)

[ )+ f(x)=h(x)
[0 = f(x)=h(x)

a) Diéu kién ham an c6 dang:

Phwong phap giai:

¢ f()+f(x)=h(x)
Nhan hai vé véi e* taduge " ' (x)+e"- f(x) =" -h(x) < [ e f(x)]' =" h(x)
Suyra e - f(x)= je’“ -h(x)dx
Tu day ta dé dang tinh dugc f(x)

¢ f ()= f(x)=hx)
Nhan hai vé voi e taduoc e f (x)—e - f(x)=e " -h(x) & [e’x -f(x)] =e " -h(x)
Suyra e - f(x)= j e - h(x)dx
Tir day ta dé dang tinh duge f(x)

b) Piéu kién ham 4n c6 dang: [ (x)+ p(x)- £ (x) = h(x)

Phwong phap giai:

A . Ay |p(odx
Nhan hai vé voi eI ta duogc

- s - ) = byl [f(x)-ef"“"’x]=h(x>-ef‘“""‘x

Suy ra f(x)- eI P

Tur day ta dé dang tinh duge f(x)

= O

Cau 26. Cho ham sb f(x) thdéa man f(x)+f'(x) =e ,VxeR va f(O) =2 . Tat ca cac nguyén ham

cua f(x)ex la
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A XX +x+C. B. 2x* +2x+C.
C.2x*+x+C. D. %x2+2x+C.
Loi gii
Chon D

:If(x)exdxzj‘(x+2)dx:lx2+2x+C
2
If(x)exdx=%x2 +2x+C

0.

Céu 27. Cho hamsé y= f(x) lién tyc trén R théa man f*(x)+2x.f (x)= e, VxeR va 7(0)

Tinh £ (1).

A f(1)=¢. B. f(l)=—%. C. f(1):ei2. D. f(1)=é.
Loi gidi
Chon D.
Ta co

f1(x)+2x.f(x)= e
= exzf'(x)+2)c.e"2 S(x)=1

!

e (e (x) =

Suy ra J.(e"z.f(x))’dx:J.dx

:>ex2.f(x)=x+C
x+C

:>f(x): -~

X

Vi £(0)=0=C=0.

X

Do d6 f(x)=—

€
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Vay f(l)zé.

Cau28. Cho ham sé y=f(x) lién tuc trén R\{-1;0} théa man diéu kién: f(1)=-2In2 va

A.Z. B. 9. C.

x.(x+1).f’(x)+f(x):x2+x.Biét f(2)=a+bIn3 (a, beQ). Gia tri 2(a2+b2) la
o
2 :

D.

Alw

2
Loi giai
Chon B.

Chia ca hai vé ctia biéu thirc x.(x+1).f’(x)+f(x) =x"+x cho (x+1)2 tacod

X ! _ X

O e
PN
=G0 -

X+

viy —f (x)= J[ﬁ.f(xﬂdx:jﬁdw (l—%jdx=x—1n|x+1|+c-

Do f(1)=—2ln2 nén ta co %.f(l):l—ln2+C<3—1n2=1—ln2+C<:>C=—1.

Khi d6 f(x):x—”(x—1n|x+1|—1).
X

Vay ta co f(2):%(2—1n3—1)=%(1—1n3): 3 3ln3:a:%, b:—%.

Suy ra 2(a? +b2)=2K%)2 J{_%ﬂ Y

Céu29. Cho ham s6 y=f(x) lién tyc trén R\{-1;0} théa man f(1)=2In2+1,
x(x+1) f1(x)+(x+2) f(x)=x(x+1), VxeR\{-1;0}. Biét f(2)=a+bIn3, véi a, b la hai s6 hitu
ti. Tinh T=a”—b.

-3 21

A T=—. . .
16 16

N | W

Loi gidi
Chon A.
Taco x(x+1) f"(x)+(x+2) f(x)=x(x+1)

<:>f'(x)+xzcx++21)f(x):l
xr x(x+2) X
< x+1f (x)+ (x+1)2 f(x)_x+1
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2 ' 2
X X
o —=/(x)|=
x+1 x+1

I f(x)zJ.x—zdx

x+1 x+1
x’ x’
<:>x+1f(x):7—x+ln|x+1|+c
<:>f(x):x+1 x—z—x+ln|x+1|+c .
x* 2

Ta co f(1)=21n2+1 < ce=1.

N x+1(x°
Tudo f(x)="—5 7—x+ln|x+1|+1 ,
x

3
3 S
= f(2)==+=In3. Nén
4 3
h=>
4
Va T—az—b——ji
ay 16

/(%)

X

Ciu 30. Cho ham sd y = £ (x) c6 dao ham lién tyc trén (0;+o0) thoa man f'(x)+ =4x* +3x va

£ (1)=2. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f'(x) tai diém c6 hoanh d§ x =2 1a
A. y=-16x-20. B. y=16x-20. C. y=16x+20. D. y=-16x+20.
Loi gidi

Chon B.

f’(x)+M=4x2 +3x<::>xf’(x)+f(x)z4x3 +3x°.

X
Lay nguyén ham hai vé ta duge: xf (x) = [(4x’+3x*)dx =x* +x* +C.

Véi x=1tacé: f(1)=2+C.

Theo baira f(1)=2 < 2+C=2 C=0.

Vay xf (x)=x*+x" o f(x)=x"+x".

Taco: f'(x)=3x>+2x; f'(2)=16; f(2)=12.

Phuong trinh tiép tuyén ctia 6 thi ham s6 y = f(x) tai diém c6 hoanh do x=2 la:
y=16(x-2)+12 < y=16x-20.

Cau 31. Cho ham sd y = f(x) lién tyc trén (0;+00) thoa man 2xf"(x)+ f (x)=3x"v/x . Biét f(l):%.

Tinh £(4)?
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A. 24. B. 14. C. 4. D. 16.
Loi giai
Chon D.

Trén khoang (0;+) ta co:

201 (x) + £ (%) = 3x*Vx

1 3 2"
o Nxf'(x)+ 2\/; Ex

3,
:>(\/x.f(x)) =5x

:\/—f( )= —x *+C. (%)

Ma f(l):%néntir( ) co: \ff() +c@%=%+c@czojf(x)=xzf.
Vay f(4)= 42f 16.

Céu 32. Cho ham sé f(x) théa man f(1)=4 va f(x)=xf"(x)—2x"—3x* véi moi x>0. Gia tri cia

f(2) bang
A. 5. B. 10. C. 20. D. 15.
Loi giai
Chon C.

F(x)=xf"(x)=-2x" -3x°
- 1.f(x)—x.f"(x) _ -2x° =3x°

x’ x’
@{f(x)} =2x+3
x
f( ) A A \ ) \ A _
Suy ra, 1a mot nguyén ham ctia ham s0 g(x)=2x+3.

Ta co j(2x+3)dx=x2 +3x+C,CeR.

VAC))

X

Do do, =x"+3x+C,, (1) véi C, € R nao do.

Vi f(1)=4 theo gia thiét, nén thay x =1 vao hai vé cta (1) ta thu dugc C,=0,trdé f(x)=x"+3x".

Vay f(2)=20.
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MOT SO DANG KHAC

Céu 33. Cho ham sb y=f(x) lién tuc trén (0;+oo) thoa man 3x.f(x)—xz.f'(x)=2f2 (x), voi

f(x)#0,vxe(0;+00) va f()= !

3 Goi M, m lan luot 13 gia tri 16n nhat, gia trj nho nhat cia ham s

y=f(x) trén doan [1;2]. Tinh M + m.

A B. 2L, c.2 p. .
10 10 3 3
Loi gii
Chon C.
Ta co:
3x.f(x)-xf"(x) =27 (x)
:>3x2.f(x)—x3.f'(x)=2x.f2(x)
= 3x2.f(;)zz;c;.f'(x) =2x vi f(x)#0,Vxe(0;+x).

:(ﬁ;)]’:h:ﬁl)zj 2xdx=x"+C.
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3

1 X
Mi f(l)=—=C=2 R .
a f( ) 3j :>f(X) x2+2
Taco: f(x) === f/(x) =220 5 0, vxe(05400).
X' +2 (x2+2)2

3

Vay, hamsé f(x)=— 5 dong bién trén khoang (0;+0).
X

3

Ma [1;2] < (0;+%) nénham sé f(x)=

ddng bién trén doan [1;2].
x*+2 8 ) [ ]

Suy ra, M:f(2)=§;m:f(1):%3M+m=§.

Cau 34. Cho F(x) 1a mdt nguyén ham cuia ham s f(x)= e* (x3 —4X). Ham s F(x2 +x) c6 bao
nhiéu diém cuc tri?
A. 6. B. 5. C. 3. D. 4.
Loi gidi
Chon B.
Taco F'(x)=f(x)

2

— F’(x2 +x) = f(x2 Jr)c).(x2 +x)' = (2x+1)(x2 +x)e(xz+x) ((x2 +x)2 —4)

2

:(2x+1)x(x+1)e(xz+x) <x2 +x—2)(x2 +x+2)
=(ZX+1)x(x+1)(x+2)(x—1)(x2 +x+2)e(xz+x)2 :0<:>xe{—2;—1;_?1;0;1}

F'(x2 + x) =0 c6 5 nghiém don nén F(x2 + x) ¢4 5 diém cuc tri.
Céu 35. Chohamsb y = f(x). D0 thi clia ham s6 y = f"'(x)trén [-5;3] nhu hinh v& (phén cong ciia dd

thi 14 mot phan cta parabol y =ax® +bx+c ).

Biét f(0)=0, gid tri cua 2f(—5)+3/(2) bang

A. 33. B. 109 c.3?5. D.11.
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Loi giai
Chon C.
*)Parabol y = ax’ +bx +c¢ qua cac diém (2;3),(1;4),(0;3),(—1;0),(3;0) nén xac dinh dugc

3
y=—x"+2x+3,Vx>-1 suyra f(x)=—x?+x2 +3x+C,.

3

Ma f(0)=0=C, =0, f(x):—x?+x2 +3x.

Co f(-n=-2: r(2)=2 ()

*Po thi f'(x) trén doan [—4;—1] qua cac diém (—4;2),(—1;0) nén
f'(x)=_?2(X+l):>f(x)=%2(x72+xJ+C2.

R 5 5 2 1 —2 -
Ma f(—l):—§<:>C2:—§+§(—Ej:—2:>f(x):T(%+xj—2,hay f(—4)=T.

* P thi f'(x) trén doan [—5;—4] qua cac diém (—4;2),(—5;—1) nén
2

f'(x):3x+14:>f(x):%+14x+C3.

14
3

2
Ma f(—4)=" @3'(;4) +14.(_4)+c3:‘714 suy ra q:%.

2
Taco f(x) =%+14x+%:> f(=5)= —% ).

Tur (1) va (2) ta duoc 2f(—5)+3f(2):—%+22:33—5.
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CHU DE 4
UNG DUNG NGUYEN HAM TRONG THUC TIEN

DANG 1
UNG DUNG NGUYEN HAM TRONG BAI TOAN CHUYEN PONG

Gia su v(t) 1a van tdc ciia vat M tai thoi diém ¢ va s(t) 1a quang duong vat di dugc sau khoang thoi
gian t tinh tir luc bat dau chuyén dong. Ta c6 mdi lién hé giita s(t) va v(t) nhu sau:
e Pao ham cia quang dudng 13 van toc: s(t)=v(t).
e Nguyén ham cta van toc 1a quing dudng s(t)= f v(t)dt.
Néu goi a(t) la gia tdc cia vat M thi ta c6 mdi lién hé giita v(t) va a(t) nhu sau:
e D30 ham cua vén toc 1a gia toc: V/(t)=a(t).

e Nguyén ham cua gia toc 1 van toc: v(t)= fa(t)dt.

PHAN I. Ciu tric nghiém nhiéu phwong an lwa chon. Mdi ciu héi thi sinh chi chon mét phwong
an.

Cau 1. Mot 6 to dang chay v6i van tée 20 / (m s) thi ngudi ngudi dap phanh. Sau khi dap phanh, 6 t6
chuyén dong chdm dén déu véi van toc v(t)=—-40¢+20(m/s), trong d6 ¢ 1a khoang thoi gian tinh bing
gidy ké tir lic bang dau dap phanh. Goi s(t) 1a quing dudng xe 6 t6 di duoc trong thoi gian ¢ (gidy) ké

tir luc dap phanh. Hoi tir luc dap phanh dén khi dimg han, 6 t6 con di chuyén bao nhiéu mét?

A. 5( cm). B. 7,5(m). C. g (m). D. 5( m).

-

Ciu 2. Ban Minh Hién ngdi trén may bay di du lich thé giéi voi van toc chuyén dong clia may bay 1a
v(t)=3¢"+5(m/s). Quing duong mdy bay bay tir gidy thir 4 dén gidy thir 10 la:

A.36m . B.252m. C.1134m. D.966m.
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Ciau 3. Mot 6 t6 dang chay véi van toc 12m/s thi nguoi lai dap phanh; tir thoi diém d6, 6 to chuyén
dong cham dan déu véi van toc v(t)=—6t+12 (m/s), trong d6 t 1a khoang thoi gian tinh bang gidy, ké tir
ltic dap phanh. Hoi tir lac dap phanh dén khi 6 t6 dimg hén, 6 t6 con di chuyén dugc bao nhiéu mét ?

A.24m. B.12m. C.6m. D.0,4m.

Cau4. Mot 6 to dang chay véi van toc 36 km/ h thi tang toc chuyén dong nhanh dan déu véi gia toc
a(t) =1 +%(m/ s?) tinh quang duong 6 t6 di duoc sau 6 gidy ké tir khi 6 t6 bat dau ting toc.

A.S=90m. B.S =246m. C.5=58m. D.S =100m.
Cau 5. Mot ca n6 dang chay trén hd Tay véi van tdc 20m/s thi hét xang; tu thoi diém do, ca nod
chuyén dong cham dan déu véi van tc v(¢r) = —5¢ + 20, trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké
tir luc hét xang. Hoi tir luc hét xang dén luc ca nd ding han di duoc bao nhiéu mét?
A.10. B.20. C.30. D.40.
Ciu 6. MOt vat chuyén dong véi van toe 10m/s thi ting toc véi gia toc duoc tinh theo thoi gian t 13

a(t)=3t+¢ (m2 / s) . Tinh quing dudng vat di dugc trong khoang 10s ké tir khi bit dau ting tdc.

130 3400

km. D km .

Cau 7. Tai mot noi khong c6 gi6, mot chiée khi cau dang dimg yén ¢ do cao 162 (mét) so véi mat dat
da duoc phi cong cai dit cho no ché do chuyén dong di xubng. Biét rang, khi cau dd chuyén dong theo
phuong thing dimg véi van toc tuan theo quy luat v(¢)=10¢—¢*, trong d6 ¢ (phut) la thoi gian tinh tir
lic bat dau chuyén dong, v(t) dugc tinh theo don vi mét/phit (m/p ). Néu nhu vay thi khi bat dau tiép
déat van tdc v cua khi cau 1a
A.v=5(mlp). B.v="7(m/p). C.v=9(m/p). D.v=3(m/p).
Cau 8. Mot vién dan dugce ban Ién theo phuong thiang ding véi van tdc ban dau la 25m/s, gia toc
trong trudng 13 9,8m/s’. Quang dudng vién dan di dugc tir lac ban cho dén khi cham dit gin bang két
qua nao nhat trong cac két qua sau:
A. 30,78m. B.31,89m C. 32,43m. D. 33,88m.

Cau 9. Tai mot noi khong co gid, mot chiée khi cAu dang dimg yén & d6 cao 162 (mét) so voi mit dat
da duogc phi cong cai dat cho no ché do chuyén dong di xudng. Biét rang, khi cau da chuyén dong theo

phuong thang dung véi van tc tuan theo quy luat v(t) =10t —t, trong d6 ¢ (phit) 14 thoi gian tinh tir
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lac bat dau chuyén dong, v(t)dugc tinh theo don vi mét/phut (m/p). Néu nhu vay thi khi bat dau tiep dat

van toc v cua khi cau la:

A.v:7(m/p) B.v=9(m/p) C.v=5(m/p) D.v=3(m/p)

PHAN II. Ciu tric nghiém tra 16i ngan. Mdi cau héi thi sinh chi tra 16i dap an.

Céu 10. Mot chiée 6 t6 dang chay véi van tdc 15m /s thi nhin thiy chudng ngai vat trén duong cach dé
50m , ngudi 1ai xe him phanh khan cap. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu véi van tbc
v(t)=-3t+15(m/s), trong d6 ¢ (gidy). Goi s(¢) la quing duong xe 6 t6 di dwoc trong thoi gian ¢

(gidy) ké tir ltc dap phanh.

a) Thoi gian ké tir lic dap phanh dén khi dirng han 1a bao nhiéu giay?

b) Hoi tir lac ham phanh dén khi dimg han, 6 t6 di chuyén duoc bao nhidu mét? Xe 6 t6 co gip tai nan do
va cham v&i chudng ngai vat khong?

¢) Néu nguoi lai xe nhin thdy chuéng ngai vat trén dudng, sau d6 1 gidy méi phan ung dap phanh khan
cap thi xe 6 to c6 gip tai nan do va cham véi chudng ngai vat khong?

Traloi: ....................

Cau 11. Mot chiée 6 to dang chay véi van tdc 72 km/ h thi nhin thdy chudng ngai vat trén duong cach
d6 40m , ngudi 1ai xe ham phanh khan cp. Sau khi hdm phanh, 6 t6 chuyén dong chdm dan déu véi van
toc v(¢)=—10¢+20(m/s), trong d6 ¢ (gidy). Goi s(¢) 1a quing dudng xe 6 0 di duoc trong thoi gian ¢

(gidy) ké tir lic dap phanh.

5 . — 1
a) Thoi gian ké tir lac dap phanh dén khi dimg han 13 bao nhiéu gidy?
b) Hoi tir lac ham phanh dén khi dimg han, 6 t6 di chuyén duoc bao nhiéu mét? Xe 6 to c6 gip tai nan do

va cham v&i chudng ngai vat khong?
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c) Néu nguoi lai xe nhin thay chudng ngai vat trén duong, sau do 1 gidy mdi phan ung dap phanh khan

cap thi xe 6 tO c6 gip tai nan do va cham véi chudng ngai vat khong?

Traloi: ....................

Cau 12. Mot vién dan dugc ban 1én theo phuong thang dimg tir mat dat. Gia sir tai thoi diém t gidy (coi
1a thoi diém vién dan duoc bén 1én), van tée cia nd dugce cho béi v(¢)=24,5-9,8¢(m/s).

a) Tinh quing dudng vién dan di sau 2 gidy dau.

b) Tinh quang dudng vién dan di tir luc ban 1én cho téi khi roi xubng dat.

Traloi: .........oooooii..

DANG 2

MOT SO BAI TOAN UNG DUNG NGUYEN HAM TRONG THU'C TIEN
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PHAN I. Céu tric nghiém nhiéu phwong an lwa chon. M&i ciu héi thi sinh chi chon mdt phwong
an.

Cau 13. Trong mot dot xa 10, nha may thuy dién da xa 1l trong 40 phut voi tde do luu luong nudc tai
thoi diém + gidyla A '(t) =10t + SOO(m3 /s) . Hoi sau thoi gian xa Iii trén thi ho thoat nudce cia nha may
da thoat di mot lugng nudce la bao nhiéu?

A.5.10* (m°). B.4.10° (m%). C.3.107 (m’). D.6.10° (m®).

Cau 14. Mot bac tho xay bom nudc vao bé chira nude. Goi 4 (t) 1a thé tich nudc bom duogc sau ¢ giay.
Cho h'(t) =3at’ + bt (m3 /s) va ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nudc trong bé 1a
150m*. Sau 10 gidy thi thé tich nudc trong bé 1a 1100m° . Hoi thé tich nudc trong bé sau khi bom duogc
20 giady la bao nhiéu.

A.8400m’ B.8400m’ C.6000m° D. 4200m’

Cau15. Goi h(t) (m) 1a muc nuéc & bon chira sau khi bom nudc duge t gidy. Biét ring

1 Y Y A . .
h'(r)= giﬁ (m/s) va luc dau bon khong c6 nude. Tim mirc nue ¢ bon sau khi bom nude duge 6 gidy
(1am tron két qua dén hang phan tram).

A. 2,64m. B. 1,22m. C. 2,22m. D.1,64m .

Chu 16. Sy san sinh vi rat Zika ngdy tht ¢ c6 s6 luong 1a N(¢) con, biét N'(¢) = 10t00 va lac dau dam

vi rat ¢6 s lugng 250.000 con. Tinh s luong vi rut sau 10 ngay.
A. 272304 con B. 212302 con C. 242102 con D. 252302 con.

PHAN II. Ciu tric nghi¢m tra 10i ngin. Mi ciu héi thi sinh chi tra 161 dap an.
Céu 17. Muc nuéc trong hd chira cia nha may dién thuy tridu thay di trong sudt mot ngay do nudc

chay ra khi thuy tridu xudng va nudc chay vao khi thay tridu 1én (nhu hinh v&). Téc d6 thay doi ciia myc

nude duoc xac dinh béi ham sé 4'(¢) = 9—10(1‘2 ~17¢+60), trong d6 ¢ tinh bing gitr (0<¢<24), 4'(¢) tinh
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bang mét/gio. Tai thoi diém ¢ =0, muc nudc trong hd chira cao 8m . Muc nudc trong hd cao nhét va thap

nhét bao nhiéu?

i dién

Traloi: ....................

Céu 18. Goi A(¢)1a chiéu cao cua cay keo (tinh theo mét) sau khi trong ¢ nim. Biét ring nim dau tién

+ A A ’ R re LA A 1 r - . A
cay cao 1,5m, trong nhitng nam ti€p theo, cay phat trién voi toc d0 4'(r) = —= (mét /nam). Sau bao nhiéu

Yt
nam cay cao dugc 3m.
Traloi: ....................
Cau 19. Nguoi ta bom nudc vao mot bon chua, lic dau bon khong chira nudc, miac nudc & bon chua sau
khi bom phu thudc vao thoi gian bom nudc theo mot ham s6 4 = h(z) trong d6 4 tinh bang cm, ¢ tinh bang
gidy. Bibtrang 1'(t)=3/2t (m/s). Mic nudc & bdn sau khi bom duge 13 gidy 12 bao nhiéu?
Traloi: ....................
Céu 20. Khi quan sat mot dam vi khuan trong phong thi nghiém nguoi ta thiy tai ngay tht ¢ c6 sd

1500

luong 1a N(¢). Biét ring N'(t)= va lac dau sb luong vi khuan 1a 5000 con. Tinh s6 lugng vi rat

sau 12 ngay.
Traloi: ....................
Céu 21. Vi khuén HP (Helicobacter pylori) gay dau da day tai ngay tht t v6i s6 lugng 1a F(¢), biét néu

phat hién sém khi sb luong khong vuot qua 4000 con thi bénh nhén s& dugc ctru chita. Biét F'(¢) = iﬂ

va ban dau bénh nhan c6 2000 con vi khuan. Sau 15 ngay bénh nhan phat hién ra bi bénh. Hoi khi d6 c6
bao nhiéu con vi khuén trong da day (Idy x4p xi hang thap phan thir hai) va bénh nhan c6 ctru chita dugc
khong?

Traloi: ....................
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CHU DE 4
UNG DUNG NGUYEN HAM TRONG THUC TIEN

DANG 1
UNG DUNG NGUYEN HAM TRONG BAI TOAN CHUYEN PONG

Gia su v(t) 1a van tdc ciia vat M tai thoi diém ¢ va s(t) 1a quang duong vat di dugc sau khoang thoi
gian t tinh tir luc bat dau chuyén dong. Ta c6 mdi lién hé giita s(t) va v(t) nhu sau:
e Pao ham cia quang dudng 13 van toc: s(t)=v(t).
e Nguyén ham cta van toc 1a quing dudng s(t)= f v(t)dt.
Néu goi a(t) la gia tdc cia vat M thi ta c6 mdi lién hé giita v(t) va a(t) nhu sau:
e D30 ham cua vén toc 1a gia toc: V/(t)=a(t).

e Nguyén ham cua gia toc 1 van toc: v(t)= fa(t)dt.

PHAN I. Ciu tric nghiém nhiéu phwong an lwa chon. Mdi ciu héi thi sinh chi chon mét phwong
an.

Cau 1. Mot 6 to dang chay v6i van tée 20 / (m s) thi ngudi ngudi dap phanh. Sau khi dap phanh, 6 t6
chuyén dong chdm dén déu véi van toc v(t)=—-40¢+20(m/s), trong d6 ¢ 1a khoang thoi gian tinh bing
gidy ké tir lic bang dau dap phanh. Goi s(t) 1a quing dudng xe 6 t6 di duoc trong thoi gian ¢ (gidy) ké

tir luc dap phanh. Hoi tir luc dap phanh dén khi dimg han, 6 t6 con di chuyén bao nhiéu mét?

A. 5( cm). B. 7,5(m). C. g (m). D. 5( m).

Loi giai

Chon D

Ta co:



Dai 56 12 - Chuong 4 - Nguyén ham. Tich phin — Bai tip theo chwong trinh méi 2025 Cinh Diéu
v(t)=—40t+20

= s(t) = [v(t)dt = [ (~40¢ +20)dt ==20¢> +20¢ + C

= s(t)=-20¢ +20t+C

Chon t=0=5(0)=0 =C=0

= s(t)=-20¢* +20¢

Khi xe dimg han thi v(1)=0< —401+20=0=7=0,5.

tir lac dap phanh dén khi dimg hén, 6 t6 con di chuyén duge: 5(0,5) = —20(0,5)2 +20(0,5)=5m

Céu 2. Ban Minh Hién ngdi trén may bay di du lich thé gii voi van téc chuyén dong ctia may bay 1a
v(t)=3¢"+5(m/s). Quing duong mdy bay bay tir gidy thir 4 dén gidy thir 10 la:

A.36m . B.252m. C.1134m. D.966m.

Loi giai

v(t)=3t"+5

= s(t)=[v(t)dt=[ (3 +5)dt = +5t+C

=s(t)=t'+5t+C

Chon 1=0=5(0)=0 =C=0

= s(1)=1 +5¢

Quang dudng may bay bay tir gidy thir 4 1a: s(4)=4"+5.4=84m

Quang dudng may bay bay tir gidy thir 10 1a: 5(10) =10’ +5.10 =1050m

Quéng duong may bay bay tir gidy thir 4 dén gidy thir 10 1a: 5(10)—s(4)=966m

Cau 3. Mot 6 to dang chay v&i van téc 12m/s thi nguoi 1ai dap phanh; tir thoi diém d6, 6 t6 chuyén
dong cham dan déu voi van tde v(t)=—6t+12 (m/s), trong d6 t 1a khoang thoi gian tinh bang gidy, ké tir

ltic dap phanh. Hoi tir lac dap phanh dén khi 6 t6 dimg han, 6 t6 con di chuyén duge bao nhiéu mét ?
A.24m. B.12m. C.6m. D.0,4m.
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Céau 4. Mot 6 t6 dang chay voi van toe 36 km/ h thi ting téc chuyén dong nhanh dan déu véi gia toc
a(t)=1 +é(m/sz) tinh quing duong 6 to di duoc sau 6 gidy ké tir khi 6 t6 bat dau tang toc.

A.S=90m. B.S =246m. C.S5=58m. D.S =100m.
Ciu 5. Mot ca nd dang chay trén ho Tay véi van toc 20m/s thi hét xang; tir thoi diém do, ca nd
chuyén dong cham dan déu véi van toc v(¢r) = —5¢ + 20, trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké
tir luc hét xing. Hoi tir luc hét xing dén luc ca nd ding han di dugc bao nhiéu mét?
A.10. B.20. C.30. D.40.
Cau 6. MOot vat chuyén dong véi van toc 10m/s thi ting téc voi gia toe duge tinh theo thoi gian t 1a

a(t)=3t+t (m2 / s) . Tinh quing dudng vat di dugc trong khoang 10s ké tir khi bat dau ting toc.

130 3400

A.Tkm B.130km. C. D.@

km km.

Cau7. Tai mot noi khong cé gi6, mot chiée khi ciu dang dimg yén ¢ do cao 162 (mét) so véi mat dat
da dugc phi cong cai dat cho no ché do chuyén dong di xudng. Biét rang, khi cau da chuyén dong theo
phuong thing dimg voi van toc tuan theo quy luat v(¢)=10¢ —¢, trong d6 ¢ (phut) 1a thoi gian tinh tir
lic bt dau chuyén dong, v(¢) duge tinh theo don vi mét/phit (m/p ). Néu nhu vy thi khi bat dau tiép
dat van tbc v cua khi cau 1a
A.v=5(m/p). B.v=7(m/p). C.v=9(m/p). D.v=3(m/p).

Cau 8. Mot vién dan dugc bin 1én theo phuong thing dimg véi van tdc ban dau 1a 25m/s, gia toc
trong trudong 13 9,8m/s>. Quang dudng vién dan di duoc tir luc bin cho dén khi cham dat gin bang két
qua nao nhat trong cac két qua sau:

A. 30,78m. B.31,89m C. 32,43m. D. 33,88m .
Cau 9. Tai mdt noi khong co gio, mot chiéc khi cau dang dung yén ¢ d0 cao 162 (mét) so voi mat dat
d3 duogc phi cong cai dat cho nd ché do chuyén dong di xudng. Biét ring, khi cdu da chuyén dong theo
phuong thing ding véi van tdc tuan theo quy luat o(t) =10t -+, trong d6 t (phit) 1a thoi gian tinh tir
lac bat dau chuyén dong, v(t)duoc tinh theo don vi mét/phut (m/p). Néu nhu vay thi khi bat dau tiép dat
van téc v cua khi cau 1a:

A.v:7(m/p) B.v=9(m/p) C.v:5(m/p) D.v:3(m/p)
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PHAN II. Céu tric nghiém tra 10i ngin. Mi ciu héi thi sinh chi tra 1oi dap an.

Cau 10. Mot chiée 6 t6 dang chay véi van tdc 15m /s thi nhin thiy chudng ngai vat trén duong cach dé
50m, ngudi 1ai xe hdm phanh khéan cp. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu véi van toc
v(t)=-3t+15(m/s), trong d6 ¢ (gidy). Goi s(¢) la quing dudong xe 6 t6 di dwoc trong thoi gian ¢

(gidy) ké tir lac dap phanh.

a) Thoi gian ké tir luc dap phanh dén khi dimg han 13 bao nhiéu gidy?
b) Hoi tir lac ham phanh dén khi dimg han, 6 t6 di chuyén duoc bao nhiéu mét? Xe 6 to ¢ gip tai nan do
va cham v6i chudng ngai vat khong?
¢) Néu nguoi 1ai xe nhin thdy chuéng ngai vat trén dudng, sau d6 1 gidy méi phan tng dap phanh khan
cap thi xe 6 t6 c6 gip tai nan do va cham v&i chudng ngai vat khong?
Traloi: ....................
Loi giai
Dap an:

a) quang duong xe 6 to di dugc trong thoi gian ¢ (gidy) 1a mot nguyén ham cua v(t) nén:

()= Jvlopte= [(a15)ds=-2sisr4c

2
:s(t):—%+15t+c

Chon t=0=5(0)=0
=C=0

2
:s(t):—%+15t

Khi xe ding hdn thi v(t)=0< -3t +15=0=1¢=5.
Thoi gian ké tir lac dap phanh dén khi dimg han 1a 5 gidy
b) Sau khi dap phanh dén khi ding han, xe di dugc quing duong:

2
5(5)2-3'25 +15.5=37,5(m)

Do 50>37,5 nén xe 6 t6 dimg han trude khi va cham chudng ngai vét. Vi thé tai nan khong xay ra.
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c¢) nguoi lai xe nhin thay chudng ngai vat trén duong, sau d6 1 gidy mdi phan ing dap phanh nén xe di

duoc quang duong 15m trong 1 giay

Tong quang duong xe di duoc dén khi dimg han 1a : 15+37,5=52,5(m)

Do 50 < 52,5 nén xe 6 t6 va cham chudng ngai vat. Vi thé tai nan xdy ra.

Céu 11. Mot chiée 6 t6 dang chay voi van tc 72 km / h thi nhin thdy chudng ngai vat trén duong cach
d6 40m , nguoi 14i xe hdm phanh khan cap. Sau khi ham phanh, 6 t6 chuyén dong chdm dan déu voi van
toc v(¢)=-10¢+20(m/s), trong d6 ¢ (gidy). Goi s(t) 1a quing duong xe 6 0 di dugc trong thoi gian ¢

(gidy) ké tir ltic dap phanh.

/S N : _ —
a) Thoi gian ké tir lac dap phanh dén khi dimg han 13 bao nhiéu gidy?
b) Hoi tir lac ham phanh dén khi dimg han, 6 t6 di chuyén duoc bao nhiéu mét? Xe 6 to c¢6 gip tai nan do
va cham v&i chudng ngai vat khong?
¢) Néu nguoi l4i xe nhin thiy chudng ngai vét trén duong, sau d6 1 gidy méi phan ing dap phanh khan
cap thi xe 6 to c6 gip tai nan do va cham véi chudng ngai vat khong?
Traloi: ....................

Loi giai

Dap an:
a) quang duong xe 0 t6 di dugc trong thoi gian 7 (gidy) la mot nguyén ham cia v(t) nén:
s(£) = [v(t)dx = [ (<101 +20) dx ==5¢* + 20t + C
= s(t)=-5t*+20t+C
Chon t=0=5(0)=0
=C=0
= s(t)=-5¢"+20¢
Khi xe ding hén thi v(t)=0< -10t+20=0=¢=2.

Thoi gian ké tir lac dap phanh dén khi dimg han 1a 2 gidy
b) Sau khi dap phanh dén khi dirng han, xe di dugc quing duong:
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5(2)=-5.2"+20.2=20(m)
Do 40 > 20 nén xe 6 t6 dimg han trudc khi va cham chudng ngai vat. Vi thé tai nan khong xay ra.
c) 72km/h=20m/s
ngudi 1ai xe nhin thdy chudng ngai vat trén dudng, sau d6 1 gidy moi phan tng dap phanh nén xe di dugc
quang duong 20m trong 1 gidy
Tong quang dudng xe di duge dén khi dimg hén 1a : 20+20=40(m)
Do chuéng ngai vat trén duong cach d6 40m xe khi bat dau dap phanh nén xe 6 t6 va cham chudng ngai
vét. Vi thé tai nan xdy ra.
Céu 12. Mot vién dan dugc ban 1én theo phuong thiang dimg tir mat dat. Gia st tai thoi diém t gidy (coi
1a thoi diém vién dan duoc bén 1én), van téc cia nd dugc cho béi v(¢)=24,5-9,8¢(m/s).
a) Tinh quing dudng vién dan di sau 2 gidy dau.
b) Tinh quang dudng vién dan di tir luc ban 1én cho téi khi roi xubng dat.
Traloi: ....................

Loi giai

Dap an:
a) Quang dwong vién dan di duoc la: s(¢) = [(24,5-9,8¢)dx =24,5t—4,9¢* +C
= s(t)=24,5t-4,9¢" +C
Chon t=0=5(0)=0
=C=0
= s(t)=24,5t-4,9¢
sau 2 gidy dau quang duong vién dan dila s(2)=24,5.2-4,9.2* =29,4m
b) khi vién dat dat do cao 16n nhét thi v(1)=0< 24,5-9,8t =0 <t =2,5(s)
quing dudng vién dan di tir lac bin 1én cho t6i khi roi xudng dat 1a:

5(2.5)=2(24,5.2,5-4,9.2,5°)=61,25m

DANG 2

MOT SO BAI TOAN UNG DUNG NGUYEN HAM TRONG THU'C TIEN
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PHAN I. Cau tric nghi¢ém nhiéu phwong an lra chon. Méi ciu héi thi sinh chi chon mgt phwong
an.

Cau 13. Trong mot dot xa Iii, nha may thiy dién da xa lii trong 40 phut véi tée dd luu lwong nude tai
thoi diém ¢ giayla & '(t) =107+ SOO(m3 / s) . Hoi sau thoi gian xa 1ii trén thi ho thoat nudc clia nha may
da thoat di mot lvong nudce la bao nhiéu?

A.5.10* (m%). B.4.10° (m®). C.3.107 (m’). D.6.10° (m°).

Chon C
Tacod :

h'(t) =10t +500

= h(t) = [(10¢+500)dx = 5¢* +500¢ +C

= h(t)=5¢+500t+C

Chon t=0=h(0)=0=C=0

= h(t)=5t>+500¢

thuy dién da xa 1l trong 40 phut = 2400 giay thi thoat di mét luong nudce la:
h(2400) =5.2400° +500.2400 = 3.10° ()

Cau 14. Mot bac thg xy bom nudc vao bé chira nude. Goi 4 (t) 1a thé tich nudc bom dugc sau ¢ gidy.
Cho h'(t)=3at’ +bt (m3 / s) va ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nudc trong bé 1a

150m*. Sau 10 gidy thi thé tich nudc trong bé 1a 1100m2° . Hoi thé tich nude trong bé sau khi bom duoc

20 gidy la bao nhiéu.
A.8400m’ B. 8400m’ C. 60007’ D. 4200m’
Loi giai
Chon A

Taco :
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h'(t)=3at® + bt

= h(t)=[(3a’ +bt)dt = at’ +%bt2 +C

:>h(t):at3+%bt2 +C
Chon t=0=h(0)=0=C=0
= h(t)=at’ +%bt2

Sau 5 gidy thi thé tich nuéc trong bé 1a 150m*: h(5) =150 < 125a +%b =150

Sau 10 gidy thi thé tich nu6c trong bé 1a 1100m° : h(10) =1100 <> 1000a + 506 =1100

Ta co hé :

125a+£b=150 a=1
2 =
b=2

1000a +50b6=1100
= h(t)=1+1
thé tich nudc trong bé sau khi bom dugc 20 gidy 1a /4 (20) =20’ +20” = 8400m’

Cau15. Goi h(t) (m) 1a muc nuéc ¢ bon chia sau khi bom nuéc duge t gidy. Biét ring
1 L . , .
h'(t)= gi/; (m/s) valac dau bon khong ¢6 nude. Tim muie nude ¢ bon sau khi bom nude duge 6 gidy

(1am tron két qua dén hang phan tram).

A. 2,64m . B. 1,22m . C.2,22m. D.1,64m .
Loi gidi
Chon D
Tacod:
n(1) =~
5
1 l-v—l
- 3
:>h(z):jli/idx:ljﬁdx:lt—wziz%ﬁw
5 5 5 1+1 20
3

3
h(t)=—mR/t+C
= (l‘) 20 \/;—l-
ChQnt=O:>h(0)=O:>C=0

:h(x):%t%

mirc nude & bon sau khi bom nude dugc 6 gidy: 1(6)= %6% ~1,64m
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1000

Chu 16. Sy san sinh vi rat Zika ngdy tht ¢ c6 s6 luong 1a N(¢) con, biét N'(¢) = — valic dau dam
vi rat ¢6 s6 lwong 250.000 con. Tinh sé lugng vi rat sau 10 ngay.
A. 272304 con B. 212302 con C. 242102 con D. 252302 con.
Loi giai
Chon D
Taco:
N'(t)= 1000

t
= N(1)= j@dt =10001n}|+C

= N(¢)=1000Inf|+C

Chon ¢ =1= N(1)=250000=> C = 250000

= N (¢)=10001n |¢|+ 250000

s6 lwong vi rat sau 10 ngay la: N(10)=10001n10+ 250000 ~ 252302

PHAN II. CAu tric nghiém tra 10i ngin. Mi ciu héi thi sinh chi tri 1oi dap an.

Céu 17. Muc nuéc trong hd chira cia nha may dién thuy tridu thay di trong subt mot ngay do nudc
chay ra khi thay triéu xudng va nudc chay vao khi thuy triéu 1én (nhu hinh v&). Téc d6 thay doi ctia muc

nude duoc xac dinh béi ham sé h'(¢) = 9—10(1‘2 ~17¢+60), trong d6 ¢ tinh bing gitr (0<¢<24), 4'(¢) tinh

bang mét/gid. Tai thoi diém ¢ =0, muc nudc trong hd chira cao 8m . Muc nudc trong hd cao nhat va thip

nhat bao nhiéu?

May
IrI.I'rrJ.r dign

i iy e
s~ [ =

Loi giai
Pap an:

Ta co

h'() =%(r2 ~17t+60)
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:>h(t)=ij(t2—l7t+60)dt=L Lo Tpi6oe]+c
90 90l3 2

:h(z)——(lﬁ—”z +60tj+C
90\ 3 2

Tai thoi diém 7 =0, muc nudc trong hd chira cao 8m nén h(0)=8=C=8

:>h(t):L(lt3 17, +60t]+8 (0<r<24)
90\ 3 2

t
Ta c6: h'(t)=O<:>t2—17t+60=O<:>{

Lap bang bién thién:
t 0 5 12 24
h'(z) + 0 - 0 +
1019 104
108 5
h(z)
g H#
5

Muc nuéc trong hd cao nhét : % =20,8m

Muc nude trong hd thap nhat 8m

Cau 18. Goi A(¢)1a chiéu cao cua cy keo (tinh theo mét) sau khi trong ¢ nim. Biét ring nim dau tién

cdy cao 1,5m, trong nhitng nam tiép theo, cdy phat trién véi tbc do A'(t) = (mét /nam). Sau bao nhiéu

1
i
ndm cay cao dugc 3m.

Traloi: ....................
Loi giai
Pap an:

Ta co

h'() =%

1

= h(t) = j—dt_jt =l _—\/—+c

—Z+1
= h(t) = %W +C

nam dau tién cdy cao Im nén h(1)=1,5<1,5 =§§‘/I+C:> C=%
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:>h(t)=%(‘/73+%

cay cao dugc 3m nén h(t):3<:>§(‘/t_3+%:3<:>(‘/t_3:1§7:>tz2,73

Cau 19. Nguoi ta bom nudc vao mot bon chua, lac dau bon khong chira nude, mic nude & bdn chuia sau
khi bom phu thudc vao thdi gian bom nudc theo mot ham s6 & = h(z) trong d6 4 tinh bang cm, ¢ tinh bang

gidy. Biét rang 4'(t)= St (m/s). Mitc nue & bon sau khi bom duge 13 gidy 1a bao nhiéu?

Traloi: ....................
Loi giai
Dap an:
Céu 20. Khi quan sat mot dam vi khuan trong phong thi nghiém nguoi ta thiy tai ngay tht ¢ c6 sd
e N l \ ’ . 9 r .
lugng 1a N(7). Biet rang N'(7) = 500 va lac dau so lwong vi khuén 1a 5000 con. Tinh s6 lugng vi rat
sau 12 ngay.
Traloi: ....................
Loi giai
Dap an:

Céu 21. Vi khuén HP (Helicobacter pylori) gay dau da day tai ngay thtr t v6i s6 lugng 1a F(¢), biét néu

phat hién sém khi sb lugng khong vuot qua 4000 con thi bénh nhén s& dugc ctru chita. Biét F'(¢) = 600
t

va ban diu bénh nhan c6 2000 con vi khudn. Sau 15 ngdy bénh nhan phat hién ra bj bénh. Héi khi d6 c6
bao nhiéu con vi khuan trong da day (liy xap xi hang thap phan thir hai) va bénh nhan ¢ ctru chira dugc
khong?
Traloi: ....................

Loi giai

Dap an:
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