CHU PE 8. PIEM PAC BIET CUA PO THI HAM SO

KIEN THUC CO BAN

I.

I1.

I11.

Bai to4n tim diém c6 dinh ciia ho dwong cong
Xét ho duong cong (C,) c6 phuong trinh y = f(x,m), trong d6 f la ham da thirc theo bién x
v6i m 1a tham s sao cho béac ctia m khong qua 2. Hiy tim nhitng diém cd dinh thudc ho dudng
cong khi m thay doi?
** Phwong phap giai:

o Bwéc 1: Pua phuong trinh y = f(x,m) vé dang phuong trinh theo an m c6 dang sau:

o Am+ B =0 hoic Am* +Bm+C=0.
o Budc2: Cho cac hé s6 bang 0, ta thu dugc hé phuong trinh va giai hé phuong trinh:

A=0

A=0
{ B hoac < B=0.
B C=0

o Buée3: Két luan
v Néu hé v6 nghiém thi ho duong cong (C,) khong cé diém cé dinh.
v Néu hé c6 nghiém thi nghiém d6 14 diém cb dinh cta (C,).

Bai toan tim diém c6 toa d§ nguyén:
Cho duong cong (C) c6 phuong trinh y = f(x) (ham phan thiic). Hiy tim nhiing diém c6 toa do
nguyén cua duong cong? ) 7 .
Nhitng diem co toa do nguyén la nhitng diém sao cho ca hoanh do va tung do cua diém do déu
la so nguyén.
% Phwong phap giai:

o Buéc 1: Thuc hién phép chia da thirc chia tir s6 cho mau sb.

o Buéc2: Liluan dé giai bai toan.
Bai toan tim diém cé tinh chat ddi xing:
Cho dudng cong (C) c6 phwong trinh y = f(x). Tim nhimg diém dbi xing nhau qua mot diém,
qua duong thang,
Bii todn 1: Cho do thi (C):y = Ax’ + Bx* +Cx+ D trén do thi (C) fim nhitng cdp diém doi
xitng nhau qua diém I(x;,y,).
** Phwong phap giai:

v Goi M (a;4a’+Ba®+Ca+D), N(b; Ab’ + Bb* +Cb+D) 1a hai diém trén (C) d6i ximg

nhau qua diém 7 .
L, |la+b=12x,
Taco {A(cf +b3)+B(a2 +b2)+C(a+b)+2D =2y,

Giai h¢ phuong trinh tim dugc a,b tur do tim duoc toa do M, N.
Truong hop dic bigt : Cho do thi (C):y = Ax’ + Bx* +Cx+D. Trén do thj (C) tim nhiing cdp

diém doi xirng nhau qua goc toa dg.
«* Phwong phap giai:
v Goi M(a,Aa’+Ba’+Ca+D),N(b,Ab’ + Bb* + Cb+D) la hai diém trén (C) ddi ximg
nhau qua gdc toa do.
la+b=0
v Ta CO{A(a3 +b3)+B(a2 +b2)+C(a+b)+2D =0

v" Giai hé phuong trinh tim dugca,b tir @6 tim duoc toa do M, N .
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Bii todn 3: Cho do thi (C):y = AxX* + Bx* + Cx+ D trén d6 thi (C) tim nhitng cdp diém doi
xitng nhau qua dwong thang d : y = Ax+B,.
% Phwong phap giai:
v Goi M (a;4a’+Ba®+Ca+D), N(b; Ab’ + Bb* +Cb+D) 1a hai diém trén (C) d6i ximg
nhau qua duong thang d .
led ) . I -
v Tacod: < ___ . (vo1 I 1a trung diém cia MN va uq la vecto chi phuong cta
MNu.=0 (2)
duong thang d ).
v' Giai hé phuong trinh tim duge M, N.
IV. Bai toan tim diém dic bi¢t khac:
1. Li thuyét:
Logi 1. Cho hai diém P(x;;y,);0(x,;y,)= PO = \/(xz - X )2 +(y, - )2 .
Cho diém M (x,;,) va duong thing d: Ax+ By +C =0, thi khoang cach tir M dén
Ax,+ By, +C |
JA4+B

Logi 2. Khoang cach tir M (x,;y,) dén tiém can dimg x=a 1a h=|x,—a|.

d 1a h(M;d)=

Logi 3. Khoang cach tir M (x,;,)dén tiém can ngang y=b 1a h=|y,—b|.

Chi y: Nhitng diém can tim thudng 13 hai diém cuc dai, cuc tiéu hodc 1a giao ctia mot dudng
thang véi mot duong cong (C) nao do. Vi vay trude khi ap dung cong thirc, ta can phai tim
tim diéu kién ton tai roi tim toa do ciia chung.

2. Cac bai toan thuwong gap:
ax+b

B todn 1: Cho ham s6 y = (c #0, ad —bc # O) 6 do thi (C) Hay tim trén (C) hai

cx +
diém A va B thudc hai nhanh do thi ham s6 sao cho khodng cdch AB ngdn nhat.
% Phwong phap giai:

;oA A /. d s A 5 \ A ’ A . N A . ,
4 (C ) c6 tiém can dimg x =—— do tinh chat cia ham phan thuc, d6 thi nam vé hai phia
c

cua tiém can ding. Nén goi hai s0 «, £ 1a hai so duong.

. . d d
v'Néu 4 thudc nhanh trdithi x, <——=>x, =——-a<——; y,=f(x,).
c c

v/ Néu B thudc nhanh phai thi x, > _4 X, :—iw > —i; vy = f(x,).
C C C

2

v’ Sau d6 tinh AB* =(x, —xA)2 +( 1, —yA)2 =[(a+,8)—(a—a)]

v Ap dung bét dang thire Cosi (Cauchy), ta s& tim ra két qua.
Bi todn 2: Cho do thi ham s6 (C) c6 phwong trinh y = f(x). Tim toa @6 diém M thudc
(&) aé téng khoang cach tuw M dén hai truc toa dé nhé nhat.
% Phwong phap giai:

v Goi M (x;y)va téng khoang cach tir M dén hai truc toa d6 1 d thi d = |x| +|y| .

+(y3 _yA)z'

v’ Xét cac khoang cach tir M dén hai truc toa d6 khi M nam & cac vi tri dic biét: Trén
truc hoanh, trén tryc tung.

v Sau do xét téng quat, nhiing diém M c6 hoanh do, hodc tung do 16n hon hoanh d¢ hoac
tung d¢ cia M khi nam trén hai truc thi loai di khong xét dén.
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v Nhiing diém con lai ta dua vé tim gia tri nho nhét cta dd thi ham s dua vao dao ham
roi tim duge gia tri nho nhét cua d .
Bii todn 3: Cho do thi (C) c¢6 phwong trinh y = f(x). Tim diém M trén (C) sao cho khodng
cdach tir M dén Ox bang k lan khodng cdch tir M dén truc Oy .
¢ Phwong phap giai:
\ =kx f x)=hkx
¥ Theo déu bai ta c6 |y|=k|x|<:{y o] /)=
y=—kx f (x) =—kx

ax+b

ex+d
Tim toa dé diem M trén (C) sao cho dé dai MI ngdn nhdt (véi I la giao diém hai tiém cdn).
% Phwong phap giai:

Bi todn 4: Cho do thi ham s6 (C) cé phuong trinh y = f(x)= (c#0, ad—bc #0).

e A s, -d .. . a
v Tiém cin ding x = —; tiém can ngang y =—.
c c

N A - 4 —d a . N n
v’ Ta tim dugc toa do giao diém [ (—;—j cua hai tiém can.
c C

v Goi M (x,;y,,) 1 diém can tim. Khi d¢:

dY aY
IM? =(xM +—j +[yM ——j :g(xM)
c c
v’ Str dung phuong phap tim GTLN - GTNN cho ham s6 g dé thu dugc két qua.
Bai todn 5: Cho dé thi ham sé (C) c¢6 phwong trinh y=f(x) va dwong thang
d:Ax+By+C=0. Tim diém I trén (C) sao cho khodng cdich tir I dén d la ngdn nhat.
% Phwong phap giai
v  Goi I thudc (C) :>I(x0;yo); Vo =S(x,)-
v Khoéng cach tir I dén d 1a g(xo)zh(l;d)zM
NA* + B’

v Khéo sat ham sd y = g(x) dé tim ra diém / théa man yéu cau.

B. BAI TAP TRAC NGHIEM

Cau 1.

Cau 4.

Cau 5.

D6 thi cia ham s6 y =(m—1)x+3—m (m 1a tham s6) ludn di qua mot diém M cd dinh c6 toa
do 1a

A. M(0;3). B. M(1;2). C. M(-1;-2). D. M(0;1).

Db thi cia ham s6 y = x> +2mx—m+1 (m 1a tham sd) luén di qua mot diém M cb dinh c6 toa

dola

A. M (0;1). B. M(l,éj C. M(l,éj D. M(-1;0).
22 2°4
D6 thi ctia ham s6 y=x’ —3x” + mx+m (m 13 tham sb) luén di qua mot diém M cb dinh co
toa do la
A. M(-12). B. M (-1;—4). C. M(1;-2). D. M (1;-4).

Biét d6 thi (C,

ddi, khi d6 toa do cta diém M 1a
A. M (-L1). B. M(1;4). C. M (0;-2). D. M (0;3).

) ciia ham s6 y =x* —2mx* +3 ludn di qua mot diém M cb dinh khi m thay

Biét db thi (C, ) cia hamsé y = DY (1 6) 1uon di qua mot diém M ¢ dinh khi m

X+m
thay d6i. Toa d6 diém M khi d6 1a
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Cau7.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

A. M(—l;—%). B. M(0;1). C.M(=51). D M(0:-1).

Hoi khi m thay d6i d6 thi (C,) ctia ham s6 y = x* —3mx’ —x+3m di qua bao nhiéu diém c6
dinh ?
Al B. 3. C.2. D. 4.

Toa do diém M thudc db thi (C) ciia ham sé y ==
x —

sao cho khoang cach tir diém M dén

tiém can dung bang 1 1a
A. M(0;1),M(2;3). B. M (2;1).

C. M(—l;ij. D. M(3;§j.
2 2

Hoi khi m thay d6i d6 thi (C,) ctia ham sb y = (1—2m)x* +3mx* —m—1 di qua bao nhiéu
diém cb dinh ?

A. 3. B. 4. C.1. D. 2.

2x+1

Toa dd cac diém thudc dd thi (C) cua ham s y= ma c6 tong khoang cach dén hai

dudng tiém can cia (C) bing 4 1a

A. (43),(-2:1). B. (2;5),(0;-1).
C. (2:5),(0;-1),(4;3),(—2:1). D. (2;5),(4;3)-
2x* +(1-m)x+1+m

Biét d6 thi (C,) ciia ham s6 y = (m#—2) ludn ludn di qua mot diém

—X+m
M (x,;,,) 6 dinh khi m thay d6i, khi d6 x,, +y,, bang
A. —1. B. -3. C.1. D. 2.
Cho ham s6 y =—x’ +mx> —x—4m c6 d6 thi (C,) va 4 1a diém cb dinh c6 hoanh d6 am ctia
(C,).Giatricia m dé tiép tuyén tai 4 cta (C,)) vuong goc voi duong phan gidc goc phan tu
thir nhat 1a

A.m=-3. B. m=-6. C.m=2. D.m:—%.

Trén do thi (C) ctiaham sb y = 5 ¢6 bao nhiéu diém c6 toa do nguyén ?
X+

A. 4. B. 1. C.2. D. 3.

Trén db thi (C) ciia ham s6 y=x’—5x> +6x+3 ¢6 bao nhiéu cdp diém ddi ximg nhau qua

gbc toa do ?

A. 2. B. 1. C.0. D. 3.

Trén d6 thi (C) ctia ham sé y = 1 ¢6 bao nhiéu diém c6 toa d6 1a cac s6 nguyén duong ?
A. 4. B. 3. C. 1. D. 2.

Trén d6 thi (C) ctia ham sé y = . c¢6 bao nhiéu diém c6 toa d6 nguyén ?

A. 6. B. 2. C. 3. D. 4.

4
. \ \ A s - R e 2 )RR Je X s IRV
Goi x,, x, lahoanh d¢ cac di€ém udn cua do thi ham s6 y = v x* —1, thi x,x, €0 gia tri bang

A2, B. 0. c. % D. 2.
3 3 3

Trang 4/25



Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Trén d thi (C) ciia ham s y = s6 diém co toa do nguyén 1a

x—1
A 4. B. 8. C. 3. D. 2.
2 . 4 10 . R
Trén do thi (C) cuahamsd y = X " c6 bao nhiéu diém c6 toa dd nguyén ?
X+
A 4. B. 2. C. 10. D. 6.
. . 2 P
Trén do thi (C) cuahamsd y = X " c6 bao nhiéu diém co toa d§ nguyén ?
x_
A 4. B. 2. C. 1. D. 6.
A £ Sx— A i
Trén do thi (C) cuahamsd y = 3x | c6 bao nhiéu diém c6 toa dd nguyén ?
X+
A 4. B. 2. C. 1. D. 6.
A 2X 1 , s £ &qx+11 Sa aiR , N N
Trén do thi (C) cuahamsd y = D) c6 bao nhiéu diém co toa d§ nguyén ?
X+
A 6. B. 2. C. 1. D. 0.
2 . . +2 ,
Toa do diem M c¢6 hoanh do duong thudoc do6 thi ham s6 y = al sao cho tong khoang cach
x_
tr M dén 2 tiém cén cua d6 thi ham sd dat gia tri nho nhét 1a
A. M(4;3). B. M(3;5). C. M(1;-3). D. M(0;-1).
S6 cap diém thude do thi (C) cta ham s6 y=x'+3x’—2 dbi xtimg véi nhau qua diém
1(2;18) la
A. 2. B. 1. C.3. D. 4.
. " A £ 5 ISP
Trong tat ca cac di€m co6 toa do nguyén thudc do thi (C) cua ham s6 y = 3+ , S0 diém co
x_

hoanh d¢ 16m hon tung do 1a
A. 2. B. 8. C.6. D. 4.

Cho ham s6 y:x+2
x_

c6 do thi (C). Goi I 1a giao diém hai duong tiém cén cua (C). Biét toa

do diem M (x,,;,,) c6 hoanh d6 duong thudc d6 thi (C) sao cho MI ngén nhat. Khi d6 gid

tri x,, —y, bang

A.0. B. 23.

C.2. D. 2.

Cip diém thudc do thi (C) cta ham sé y = x* +3x—2 ddi xing nhau qua diém 7(2;18) 1a

A. (1;2) va (3;34). B. (3;2) va (1;34).

C. (0;-2) va (4;,74). D. (1;2) va (-1;-6).

Cip diém thudc do thi (C) cta ham sd y = x* —4x” +9x+4 d6i xtmg nhau qua goc toa d6 O
la

A. (3;22) va (-3;-22). B. (2;14) va (-2;-14).

C. (;10) va (-1;-10). D. (0;4) va (4;40).

Cap diém thudc do thi (C) ciia ham s6 y = x° + x d6i xtng nhau qua duong thang d: y = —%x

la
A. (1;2) va (-2;-10). B. (2;-1) va (-21).
C. (1;-2) va (-1;2). D. (1;2) va (-1;,-2).
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.2 A o . z 1
Cau29. Toa do diem M thudc do thi (C) cua ham s6 y = i
x—

ma c6 khoang cach dén tiém can
ngang ciia (C) bang 1 1a
A. M(3;2). B. M (5;2).

C. M (5:2),M (—150). D. M(4;%j,M(O;—%).

Cau 30. Céc gia trj thuc ctia tham s6 m dé do thi (C,) cua ham s0 y=x*=3x’ +m c6 hai diém phan

biét d6i xtmg nhau qua gdc toa do 1a
A. -1<m<0. B. m#0. C. m>-3. D. m>0.

x—3

Ciu 31. Chohamsd y= c6 do thi (C). Goi d 1a khoang céch tir mot diém M trén (C) dén giao

x+1
diém cua hai tiém cén. Gia tri nho nhat co thé co cua d 1a
A2, B. 2/3. C. 2. D. 2V2.
2 +1 A . . .2 , . \ A ~ , A
Cau 32. Cho ham so y :x_l c6 do thi (C) va I 1a giao diém cua hai dudng tiém can cua (C). Tiép
x —
tuyén tai mot diém M bat ky cua (C) cit hai tiém can cua (C) tai 4 va B. Dién tich cua tam
giac ABI bang
A. 4. B.5. C.6. D.7.
CAu 33. Cho diém M thudc dd thi (C) ciia ham sd y= Al "
x+
tir M dén truc Ox bang ba lan khoang cach tir M dén truc Oy . Gia tri ¢6 thé co cua a 1a

, biét M c6 hoang 6 a va khoang cach

A. a=1 hoac a:%. B. a=-1 hodc x=—.

C.a=-1 hOéC Cl=—z. D.a:]hoéc a=—

W3 W[

Ciu34. Cho ham sb y==2"> c6 db thi (C). Goi M 1a mét diém thuge do thi (C) va d la tong

xX—

khoang cach tir M dén hai tiém cin cua (C). Gia tri nho nhét cua d co thé dat dugce la
A. 6. B. 10. C.2. D.5

Céu 35. Cip diém thudc d6 thi (C) ctia ham sb y = —%x3 +x° +3x—% ma chung d6i xtng nhau qua

truc tung la

A. (3;—Ej va (—3;—Ej. B. (3;Ej va (—3;Ej.
3 3 3 3
C. 2;E va —2;E . D. 2;—E va —2;—E .
3 3 3 3

2
Cau 36. Co bao nhiéu diém M thudc do thi (C) cia ham s6 y = Lx;S cach déu hai truc toa do
X+

?

A.2. B. C6 v s6 diém M thoa yéu clu.

C. 1. D. Khong c6 diém M théa yéu cau.
CAu 37. C6 bao nhiéu diém thudc do thi (C) cua ham ) y== c6 toa do nguyén ?

X +2x+2
A. 1. B. 8. C. 3. D. 4.
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Biét d6 thi (C,) ctia ham s6 y = x’ —3(m—1)x> —3mx+2 ludn luon di qua hai diém c6 dinh
P(xp;y,) va Q(xQ;yQ) khi m thay doi, khi do gia tri cua y, +y, bing
A. —1. B. 6. C.5. D. 8.
Toa do diém M thudc do thi (C) cua ham sb y = x_l sao cho khoang cach tir diém 1(-1;2)
X+
dén tiép tuyén ctia (C) tai M 13 16n nhat.la
AM, (<1++3;2+443), M, (-1-43;2+443).
B. M, (-1+33;2-+3), M, (~1+/3;2++3).
C. M, (-1+43;2-43), M, (-1-+3;2++3).
D. M, (-1-v3;2-43), M, (-1-+3;-2-43)
A Ao 2 g g . , X oA X 1 s s £ x*—4mx+5m . .
Tép hop tat ca cac gia tri thuc cua m d€ trén do thi (C,) cua ham s6 y = ——— ¢6 hai
x_
diém phan biét dbi xtrng nhau qua gdc toa do 1a
(0 NER ]
2 13
C. [L;+o0). D. (—oo;O)u(l;iju(i;+ooj.
23 3

Cho ham s6 y = 2x _23 c6 dd thi (C). Biét ring tiép tuyén tai mot diém M bat ky cua (C)

x—
ludn cét hai tiém cén cua (C) tai 4 va B. Do dai ngdn nhat cua doan thing 4B 1a
A. 4. B. 2. C.2. D. 242.
Toa d6 diém M thudc dd thi (C) ctha ham s y= xX+2 sao cho M cach déu hai diém

x—
A(2,0) va B(0.2)1a
A [LEy5 1445 g [12V5 145
L2 7 2 ) o2 2 )
C. (l_ﬁ,l_ﬁj;(H\E,H\EJ. D. Khong t6n tai diém M .
2 2 2 2
, . . \ . X24+2x-2
Khoang cach ngan nhat tir diém M thudc do thi (C) cia ham s6 y =———— dén /(1,4) 1a
x_

A. 2. B. 22. C.V2+2V2. D. \2V2-2.
Cho ham sb y = 2x +11 c6 do thi (C). Tong khoang céch tr mot diém M thude (C) dén hai

X+
tiém cén cua (C) dat gia tri nho nhit bang ?
A. 3. B. 2. C.%. D. 4.
Goi 4, B 14 hai diém thugc hai nhanh khéc nhau trén do thj (C) cia ham s6 y = x—f , do dai

ngan nhét ciia doan thang AB 1a
A. 43, B. 2/3. C. 4. D. 2.
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Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Biét d6 thi (C,) ctia ham s6 y=x*+mx> —m+2016 ludn ludn di qua hai diém M va N c
dinh khi m thay ddi. Toa do trung diém I cua doan thfmg MN la
A. I(-10). B. 1(1;2016). C. 1(0;1). D. 71(0;2017).

Cho ham sé y = x+§ c6 d6 thi (C). Tong khoang cach tr mot diém M thudc (C) dén hai
x—

hai truc toa do dat gia tri nho nhét béng ?

A. 2. B.g. C.1. D.l.
3 6
\ £ X 43x43 2 , , A n £
Cho ham s0 y =T, do thi (C). Tong khoang cach tir mét diém M thude (C) deén
x+
hai hai truc toa d dat gié tri nho nhat béng ?
A. 1. B.l. C. 2. D.i.
2 2
Toa d6 cip diém thudoc do thi (C) ciia ham sd y = x+4 d6i xtmg nhau qua duong thing

X —

d:x-2y—-6=01Ia

A. (4:4) va (-1;-1). B. (1;-5) va (-1;-1).
C. (0;-2) va (3;7). D. (1;-5) va (5;3).
Cho ham s6 y =x*+mx* —m—1 c6 d0 thi (C, ). Toa d¢ cac diém c6 dinh cta (C,) 1a
A. (-1,0),(1;0). B. (1;0),(0;1). C. (-21),(-23).  D. (21),(0;1).
2
Cho ham sb y =%x2+2 c6 d6 thi (C). Hoi trén (C) c6 bao nhiéu diém co hoanh do va
x+
tung do 1a cac sd tu nhién.
A. 3. B. 2. C. 8. D. 4.
Cho ham s6 y=—x*+2mx’ —2m+1 c6 0 thi (C,). Goi 4 la diém cb dinh c6 hoanh do

duong cua (C,). Khi tiép tuyén tai A cia (C,) song song voi duong thang d : y =16x thi gia

tricia m la

A. m=5. B. m=4. C.m=1. D.mzﬁ.
64
2
. . 2 1 Ks e A iR A X o1 , \ ,( X +4x+5 & \
Khoang cach nho nhat tr mot diém thude do thi (C ) cta ham so y =—2 dén duong
X+

thang d : y+3x+6=0 bing

A.2. B. 4. c. J10. p. .

J10

Cho ham s y :x—+i c6 d6 thi (C). Tong khodng céch tir mot diém M thude (C) dén hai
x—

tiém cén cua (C) dat gia tri nho nhit bang

A.3. B. 4. C. 242. D. 2.

Toa d6 diém M thudc do thi (C) cta ham s y= al +§ cach déu hai dudng tiém can cia (C)
Y

la

A M(2:1). B. M (0;-1),M (4:3).

C. M(S;%),M[—&éj . D. M (-2;2).
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Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

.2 X £ +3 N . n 1
Toa d6 diém M thudc do thi (C) ciia ham so y = Y72 cach ddu hai truc toa do 1a

A M (-1;-1),M (3;3). ( 3).
C. M (-1;-1). M(3;3).

Toa d6 diém M c6 hoanh d6 nguyén thudc db thi ( ) ctia ham s6 y = x+2 c6 khoang cach

x—1

dén duong thang A:x—y+1=0 bang L la

V2
A. M(-2:0). B. M(2:4).
C. M (2;4);M (-2;0). D. M (2;-2).
Cho ham s0 y=(m+2)x’=3(m—2)x+m+7 c6 d6 thi (C,). Khang dinh nao sau day la
khang dinh dung?
A. (C,) khong di qua diém cé dinh nao.
B. (C,) c6 dung hai diém c6 dinh.
C.(C,) c6 ding ba diém c dinh.
D. (C,) c6 ding mot diém cb dinh.
Diéu kién cta tham s6 m dé trén d6 thi (C,, ) ctia ham s6 y =x’ —(3m—1)x" +2mx+m+1 cd

it nhét hai diém phan biét ddi ximg nhau qua truc Oy 1a

A. m<0. B. m<0. C. m=-2. D. m<-2.
Do thi ham sb y=2x"+mx’ —12x—13 c6 hai diém cuec tri cach déu truc tung khi va chi khi:
A. m=-1. B. m=0. C.m=-Im=-2. D.m=-2.
Hoi trén d6 thi (C) ctia ham s6 y = al +; ¢4 bao nhiéu diém cach déu hai truc toa do?
X+
A. 3. B. 2. C.4. D. 0.
Toa d cac diém thudc do thi (C) cua ham sd y = 3 _25 cach déu hai tiém cén cua (C).
Y
A. M (-1;1);N(-4;,-6). B. M (L;1);N(3;4).
C. M (-1;3);N(-3:3). D. M (-1;3);N(-3;3).

Toa d6 hai diém trén dd thi (C) cuia ham s6 y=-x"+3x+2 sao cho hai diém d6 ddi xing
nhau qua diém M (-1; 3)1a

A. (-1;0);(1;6). B.(1;0);(1;6). C.(0;2); (-2:4). D. (10);(-L6).

—X

UJ

Trén do thi (C) cuaham s6 y = ¢6 bao nhiéu diém co toa d6 nguyén ?

I ‘
L

A. 2. B. 1. C.3. D. 4.

N Ay a o 4R U S , \ £ x+1 2 , , \
Toa dd tat ca cac diém thudc do thi (C) cta ham s6 y = sao cho tong khoang céach tu

x—2

diem d6 dén 2 tiém cén la nho nhat 1a

A. (1;1). B. (1+J§;1+J§).
C. (1-43;1-+3). D. (24+43:1+3)va (2-43;1-43).

—3x+1

D6 thi cia ham s6 y = nhan di€m nao trong cac diém sau lam tam doi xang ?

x+1
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Cau 67.

Cau 68.

A. K(~1;-3). B. N(3-1). C. M(-1; 3). D. I(-3;-1).

cach déu tiém can ding va truc hoanh

.2 Xy . 2x+1
Toa dd cac diém thudc do thi (C) ciahamso y = il

x—1
1a
A M(251),M (43). B. M (0;-1),M (4;3).
C. M (0;-1),M (3;2). D. M (2;1),M (3;2).

. ‘A .2 A A - , \ £ x+2 . , NP
C6 bao nhiéu diém M thudc do thi (C) cua ham s6 y= sao cho khoang céch tur diém

M &én tiém can ngang bang 5 1an khoang cach tir M dén tiém can ding?
A.2. B. 1. C.3. D. 4.

C. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

I- DAP AN

1

2131456789 10111213 |14 |15|16|17|18|19]20

B

c|/B|/D|B|C|A|B|C|C|A|A A |D|C|D|D|DJA|B

2212312412526 (2728|2930 |31|32|33|34|35|{36|37|38]|39]40

A|/B|A|A|A|C|D|C|D|D|A|D|C|B|C|C|B |C D

42 143 144 |45 146 |47 |48 |49 |50 |51 | 52|53 |54 |55|56|57|58]|59 |60

c|c|/B|A|D/B|D|B/A|B|A/D|C|B|A|C|C |B|B

62 63|64 |65|66 |67 |68

B |C |D|D|D|BJ|A

Caul.

I -HUONG DAN GIAI
Chon B.
Goi M(x,;y,) 1a diém c6 dinh can tim.
Taco y,=(m-1)x,+3-m,Vm

x,—1=0 x, =1
< (xg-Dm—-x,-y,+3=0,Vm & = = M(1;2).
—X, =Y, +3=0

Vo=

Phwong phip tric nghiém
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Cau 2.

Cau 3.

Cau 5.

Cau 6.

Chung ta c6 thé thé timg dap an dé kiém tra, tirc 1a thé toa do diém M vao phuong trinh ham s6
luén dung vé1 moi m thi diém do 1a diém co dinh.

Chon C.

Goi M (x,;y,) 1a diém cb dinh can tim.

4 _ 2
Taco y,=x, +2mx,—m+1

1
1= X =%
<:>(2x0—1)m+x§+1—y0:0,Vm @{2260 =0 & 2:>M(l,§J
X, +1-y,=0 5 2 4

4
Phuwong phap tric nghiém
Chung ta c6 thé thé timg dap an dé kiém tra, tirc 1a thé toa do diém M vao phuong trinh ham s6
luén ding v6i moi m thi diém do6 1a diém c6 dinh.
Chon B.
Goi M (x,;y,) 1a diém c6 dinh can tim.

Taco y, = x; —3x, +mx, +m,Vm

; 5 x,+1=0
S (X +Dm+x;=3x5 -y, =0,Ym < 9§ | 5 =
X, —=3x;-y,=0

Phwong phap tric nghiém

Chung ta c6 thé thé ting dap an dé kiém tra, tirc 1a the toa do diém M vao phuong trinh ham s6
luén ding v6i moi m thi diém doé 1a diém cd dinh.

Chon D.

Goi M (x,;y,) 1a diém c6 dinh can tim.

Tacd

4 2 2 4 2x, =0 Xy =0
Vo =Xy —2mx, +3,Vm < 2x;m+y,-3-x, =0,Vm < ., & = M (0;3).P
Yo=3-% =0 Yo =
hwong phap tr;'ic nghiém o ) i )
Chung ta co6 thé thé timg dap an d€ kiém tra, tic la the toa d6 diém M vao phuong trinh ham s6
ludn dang vo1 moi m thi diém do 1a diém co dinh.
Chon B.
Goi M(x,;y,) la diém c6 dinh can tim.
_(m+Dxy+m

Taco y, —f,Vm¢O<:>xoyo+myo =mx,+x,+m,Vm#0
X, +m
0

Vo—X,—1=0 x,=0
S m(y,—x,—1)+x,y,—x,=0,Vm#0 < = = M(0;1).

XYy =% =0 Yo =1
Phwong phap Frﬁg nghiém o ’ 7 ’
Chung ta c6 thé the tung dap an dé kiém tra, tirc 1a thé toa do diém M vao phuong trinh ham s6
ludn ding v6i moi m thi diém do6 1a diém co dinh
Chon C.
Goi M(x,;y,) la diém c6 dinh can tim.

Ta co: y, = x; —3mx, — x, +3m,Vm

5 3 1-x;=0 xo=1__ [x,=-1
S 3 -x)m+x)=x, =y, =0,Vm & | = hodc .
Xy =X, =Y, =0 Yo =0 Y, =0

Vay d6 thi ham s6 da cho di qua hai diém c6 dinh.
Chon A.
2a—-1

a—1

G(_)iM(a; je(C) véi a#1.
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Cau 8.

Cau 10.

Cau 11.

Tiém cén dimg cta (C) la x=1.
Ta c6 |a—l|:1<:>{a: Vay M (0;1),M(2:3).
a

Chon B.
Goi M(x,;y,) 1a diém c6 dinh can tim.
Tacod y, =(1-2m)x; +3mx; —m—1,Vm

. ) . 2x) —3x; +1=0
< (2xy =3x;+Dm+y, —x, +1=0,Vm <

Yo =Xy +1=0
X, = ! X, = !
x, =—1 x, =1 N LN~
= hodc { ° hoiac \/5 hoiac \/5
Yy =0 Y =0 __é __é
Yo 4 Yo 4
Vay d6 thi ham s6 da cho di qua bon di€m co6 dinh.
Chon C.
Goi M(a; 2a+11je(C) voi a #1.
a_

Tiém cén dung va tiém cén ngang cla (C ) 1an lugt c6 phuong trinh x=1, y =2.

Khoang cach tur M dén tiém can dungla h, = |a — 1|
LA A . 2a+1
Khoang cach tir M dén ti¢ém can ngang 1a A, :I a+1 -2|= | 3 1|
a- a-

Téng khoang cach tir M dén hai duong tiém can bang 4 nén ta co:

2

h+h, =4©|a—1|+ﬁ=4@|a—1|2—4|a—1|+3=0<:{
i

Vay cac diém can tim 1a: (2;5), (0;-1), (4:3), (-2:1).
Chon C.
Goi M (x,,;¥,,) 1a diém c6 dinh can tim.

_2xy, +(=m)x,, +1+m

Taco y, ,Vm # =2

=X, +m
S =x,,y,, +my,, =2x;, +x,, —mx,, +1+m,Vm=#-2
S (X, +yy, —Dm=x,y,, —2x;, —x,, —1=0,Vm = -2
{XMerM—l:O {yM:1_xM
< &

—xMyM—2x§4—xM—l:O —xM(l—xM)—2x§4—xM—l:0

x,, =—1

= = M(-1;2)
Yy =2

Vay x,, +y,, =1.

Chon A.

Goi A(x,;¥,), X, <0 la diém cb dinh can tim.

r 2
Taco y, =—x, +mx, —x, —4m,Vm

. , x§—4:O X, =2
S (xg—4dm—x;—x,—-y,=0,Ym & 0:> 0:>A(—2;10)-
Yo =

la=1]=3 |a=-2

|a—1|:1 a=2
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Laicé y' =-3x" +2mx—1= y'(-2)=—4m—13

Phuong trinh tiép tuyén cia (C,) tai A(-2;10) c6 dang y=(—4m—13)(x+2)+10 hay
y=(-4m—-13)x-8m—16 (A).

Pudng phan giac goc phan tu thir nhat ¢6 phuong trinh d: y = x.

Vi A vudng goc véi d néntacd -4m—-13=-1<>m=-3.

Chon A.
Goi M (x,;y,) Vo1 x, € Z\{—2},yo el
X, € Z\{-2}
= 2 ez :>x0+26{—2;—1;1;2}:>x0e{—4;—3;—l;0}
X, +2
Vay trén do thi (C) c¢6 bon diém co toa d6 nguyén.
Chon A.
Goi A(a;a3 —5a* +6a +3),B(b;b3 —5b% + 6b+3) 14 hai diém trén (C) d6i xtmg nhau qua gbc

a+b=0 3
toadd, taco s , . . —=-10a’+6=0=>a==,|=-.
a +b —S(a +b )+6(a+b)+6=0 5
Chon D.
Goi M(x,;y,) voi x,eN',y, eN’
x, e N*
= 3 eN*:>2x0—le{l;3}:>x06{1;2}
2x, -1
= M, (-1;-1), M,(0;-3), M,(1;3) va M,(2;]).
Vay trén do thi (C) c6 hai diém co toa do la cac sb nguyén duong.
Chon C.
Goi M(xy;y,) Vo1 x, € Z,y, € L.

%ol 2 1 4
= 4 :>3x0—26{—4;—2;—1;1;2;4}:x0e ——;0;=;1;—=;2
el 373 3
3x,—2
Do x, € Z = M,(0;-2), M,(1;4) va M,(2;1).
Vay trén dd thi (C) co ba diém c6 toa do 1a cac sd nguyeén.
Chon D.

Lo " 2 A
Tacod y' =x’ —2x,y"=3x" -2 = x,.x, :?.Vay XX, =—

Chon D.

Goi M(xy;y,) Vo1 x, € Z,y, € L.
X, €L

={ 6 = 4x, —1e{-6;-3;-2;-1;1;2;3;6} = x, e{—f;—l;—l;o;l,i,l;l}.
ax, -1 €L 4 2 4 24 4

Do x, € Z = M,(0;-6) va M,(1;2).

Vay trén dd thi (C) co6 hai diém c6 toa do 1a cac sd nguyén.
Chon D.

Goi1 M(xy;y,) Vo1 x, € Z,y, € L.
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X, €L

1y =14 9 =N tle{-9-3-L139) = x € {-10,-4,-2;,0;2:8)

x, +1
= M,(-10;0), M ,(—4;-2), M ,(-2;-8),M ,(0;10), M ,(2;4) va M (8;2).
Vay trén dd thi (C) co sau diém c6 toa do 1a cac sd nguyeén.
Cau 19. Chon A.
Goi M (x,;y,) Vo1 x, € ZL,y, € L.

X, € L
= =2x,—1e{-5-11;5{ = x, €{-2;0;1;3
yo=1 -2 |ez 0 { b=l }
2 2x, -1
& X, =-2=y,=0=M(-2;0) & xy=1=y,=3=M(1;3)
& x,=0=y,=-2= M(0;-2) & x,=3=y,=1=M(3;1)

Vay trén dd thi (C) ¢ bdn diém c6 toa do 1a cac sb nguyén.
Cau 20. Chon B.
Goi1 M(xy;y,) Vo1 x, € Z,y, € L.
X, €L
= 1 11 =3x,+le{-1L-LL11} = x, € —4;—2;0;2
=—|5- €L 373
3x, +1

& Xy =—4=y,=2=>M(-4;2)
& x,=0=y,=-2= M(0;-2)
Vay trén d6 thi (C) c6 hai diém c6 toa do 1a cac s6 nguyén.
Cau 21. Chon D.
Goi M(x,;y,) Vo1 x, €Z,y, € L
X, € L
9 3 15
= 7 :>4x0+2e{—7;—l;1;7}:>xoe -
Vo =2+ e 4 4 44
4x,+2
Do x, € Z nén trén d6 thi (C) khong c6 diém nao c6 toa d6 nguyén.
Cau 22. Chon A

Goi M(a;a+2je(C); a>0via#2, tacdd=|a—2+ “—”—1‘=|a—2|+iz4
a— a-2 |a—2|
2 . . 2 a=0
Dau "=" xdy ra khi va chi khi |a—2| =4<:>|a—2|=2c>{ .
a=

Két luan M (4;3).
Cau 23. Chon B.
Goi M(x;y) la diém trén d6 thi (C), goi N 1a diém d6i ximg véi M qua I, ta c6

N(4-x:36-y). Vi N thude (C), ta cd

3 2
36=y=(4-x) +3(4-x) T P3¢ 2= (4-x) —3(4-x) +38 > x=2
y=x +3x" -2

Vay c6 tat ca mot cap diém thudc do thi (C) thoa man yéu cau dé bai.
Cau 24. Chon A.
Goi M (x,;y,) Vo1 x, € Z,y, €L .
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Cau 25.

Cau 26.

Cau 27.

Cau 28.

X, € L
= 8 x,—le{-8;—4;,-2;-1;1;2;4;8} = x, € {-7;-3;-1;0;2;3;5;9}

=
Vo =3+ €L

x,—1
= M, (=7:2), M, (=3;1), M;(=1;=1), M ,(0;=5),M(2;11), M((3;7),M,(5;5) va My(9;4). Vay
c6 2 diém thoa mén yéu cau dé bai.

Chon A.
Goi M[a;a+TJe(C) v6i a >0, a#1;toadd giao diém cac tiém can la 1(1;1), taco
a_
2
MIZ:(a—1)2+(a+2—lj —(a-1)+—2—>6.
a-1 (a—l)
£ , C oy a1 4 a:\/§+1 \ , \ N N
Dau "=" xay ra khi va chi khi (a—1) =9< . Vi M c6 hoanh do duong nén
a=—3+1
chon a=\/§+1,suyra M(\/§+1;\/§+1) nén x,, —y,, =0.
Chon A.
Goi A(x,;x) +3x,—2), B(x,;x, +3x, —2) 1a hai diém trén (C) d6i xtng nhau qua 7(2;18).
+x,=2 X, +x,=4 1
Ta co: T4t x1<:> j g 5 @
YV +yy =2y, X, +3x,—24x,+3x,-2=36 (2)

! 3 3 Xy ZI:XB =3
Thay (1) vao (2) taduogc x, +3x,—-2+(4-x,) +3(4-x,)-2=36< .
x,=3=x,=1
Vay cip diém can tim 1a A4(1;2), B(3;34).
Chon C.
Goi A(x,;x) —4x> +9x, +4), B(x,;x, —4x. +9x, +4) 12 hai diém trén (C) dbi xtiing nhau qua
géc toa do.
XX =2x, X+x,=0 M
Taco S 5 5 5
Vitys =2y, X, —4x,+9x, +4+x, —4x, +9x,+4=0 (2)
Thay (1) vao (2) ta duoc
3 2 3 2 x,=—1=x, =
X, —4x,+9%x,+4+(—x,) —4(—x,) +9(—x,)+4=0& .
x,=1 =>x,=-1
Vay cip diém can tim 1a 4(1;10), B(-1;-10).
Chon D.
Goi A(a;a3+a),B(b;b3+b) la hai diém trén (C) d6i xing nhau qua duong thing

d:y:—%x hay d :x+2y=0.

led 1 , -
Ta co: { O (voi I 1a trung diém cta AB va uq(2;-1) la vecto chi phuong cua d )

ABu.=0 (2)
3 3
Tir (1) ta co a+a—+b+b:_l.a+b
2 2 2
& (a+b)2a’ —2ab+2b* +3)=0 < a=-b (3)

2
(Vi 2a* —2ab+2b* +3 =2(a2 —ab+b’ J%j:z(a—%bj +%b2 +3>0,Va,b)

V6i AB=(b-a;(b—a)(@ +ab+b’+2)),tir (2) taco
2(b—a)—(b—a)a’+ab+b>+1)=0
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Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

& (b-a)a® +ab+b>-1)=0
=a’+ab+b*-1=0(4) (Viazb)
. o o a=1=>b=-1
Thay (3) vao (4) taduoc a”"—a"+a” -1=0< .
a=-1=b=1
Vay cdp diém can tim 1a 4(1;2), B(-1-2).
Chon C.
D6 thi ham s6 co phuong trinh tiém can ngang 1a y =1

a+1

Goi M(a;a—gJe(C), a#?2.Tacod
a—

—1‘:1<:>

a—
Vay M (5;2),M (-1;0).

Chon D.

Db thi ham sb (C,) c6 hai diém phan biét dbi xtng nhau qua gbc toa do khi va chi khi ton tai
x, #0 sao cho y(x,) ==y(=x,) & ton tai x, #0 sao cho
xg—3x; +m= —[(—xo)3 -3(-x,)’ +m} < ton tai x, #0 sao cho 3x; =m < m>0.

Chon D.

Giao diém cua hai tiém can 1a 7(-1;1), goi M(a;a_ije(C) vOi a #—1 tacod
a+

a-3 Y 16
M]Z:(a+1)2+( —1) =(a+1) + S28= MI 2242

a+1 a+1
Chon A.
Phuong phap tu ludn
Tiém can x:l,y:1:>](1,l). Goi M(m,erUe(C), ta tim duoc toa do A(I,WHTJ,

— m_

B(2m-1,).

Dién tich § =~ 418 = "3 | |y —1-1|=4.
2 2|m-1

Phwong phip tric nghiém

Cho db thi ham s6 (C): y = 22

. Goi M 1a diém tiy y thudc (C). Tiép tuyén tai M cét hai
cx+

tiém can tai 4,B. Goi I 1a giao diém hai tiém can. Khi dé dién tich tam giac ABI luon la héng
s6. Cach tinh nhanh:
1. Chon M (2,3) thudc (C). Viét phuong trinh tiép tuyén tai M 1a d:y=—2x+7. Khi d6

A(1,5),B(3,1)va IA=4,IB=2 .

2. Tam giac ABI latam giac vuong tai / . Dién tich S, :%IA.IB:4 .
Chon D.
Theo gia thiét ta co :
x__7_3 A0
y=3x PET R 3x* +2x+7=0 von
y==3x |x=7_ . 3x* +4x-7=0 x=1vx=—§

x+1

Trang 16/25



Nhic lai: Diém M e(C):y = f(x) sao cho khoang céch tir M t6i Ox bang k lan khoang

TRV : S (x) =
cach tir M téi Oy c6 hoanh dd 1a nghiém phuong trinh |f(x)| = kx| = .
f(x):—kx
Cach khac:
7 7 a=1
GoiM(a;a_ jvc’ria;ﬁ—l.Theodétac(): e 7.
a+l a+l1 a:—g

Cau 34. ChonC.
2a-3

a—2

G(_)iM[a; je(C) VvOi a#2,tacod

d=|a—2|+

2a=3_, :|a—2|+;22.
a-2 |a—ﬂ
Vay gia tri nho nhét ciia d bang 2.
Cau 35. Chon B.
Phwong phap tu luan
Goi A(xA;—éxi +x%+3x, —13—1J B(xB;—%x; +x2 +3x, —%j 1a hai diém trén (C) d6i xing
nhau qua truc tung.

aeg X0 T 1)
aco P
Y4= Vs _éxj+xi+3xA—%=—%x§;+x§+3xB —% (2)

Thay (1) vao (2) ta duogc:
11 11 {xA:—3:xB:3

—%xi} +x7, +3x, ——:—é(—xA)3 +(=x,) +3(~x ) -— <

3 3 x,=3 =>x,=-3

Vay c6 hai cap diém can tim 1a A(3;?j s B(—3;?) .
Phuong phap tric nghiém
X, +x,=0

Yi=DVs

Kiém tra diéu kién dbi xung qua truc tung { va kiém tra diém c6 thudc dd thi

khong.
Cau 36. Chon C.

Goi M (x,,»,).(x, #-3) thda yéu cau bai toan. Ta c6:

9 15
Yy =% +24+ =T
x,+3 < .
15
Vi =Exy Yw =7
Cau 37. Chon C.
Goi M(xy;y,) V61 x, €Z,y, € L.
X, €L
= : 2 EZ:>x§+2x0+2e{—2;—1;l;2}
Xy +2x,+2
£ Xg +2x,+2=-2 (v0 nghiém) & X +2x,+2=1x,=-1=y,=2= M(-1;2)
2 R n 5 X, =0=y,=1= M(0;1)
& Xy +2x,+2=-1 (vd nghiém) & Xy +2x,+2=2&
X, =="2=y,=1=>M(-21)
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Vay co trén dd thi (C) coba diém c6 toa do 1a cac sd nguyeén.
Chon B.

Goi (x,;y,) la diém c6 dinh can tim.

Taco y, =x, —3(m—1)x; —3mx, +2,Vm

X, +x,=0

Yy —X; =3x,=2=0

-1 =0
= {XO hoic {xo .

< 3(xg +x)m+y, —x; —3x; —2=0,Vm <:>{

Yo =4 Yo =2
Suy ra P(-1;4),0(0;2) hoac P(0;2),0(~1;4) nén y, +y, =6.
Chon C.
. 2x0 _1 , - e X . , N
Goi M(xo; 1l } € (C) voi x, #—1. Tiép tuyen tai M c6 phuong trinh

2x,-1_ 3
x,+1 (x, +1)

(x_xo)

hay 3x—(x, +1)*y+2x; —2x,-1=0.
Khoang cach tir 7(—1;2) t6i tiép tuyén
320+ 2 —2x, - el 1] 6

9+ (x, +1)° Py _\/( 91)2+(X0+1)2 |
X, +

Theo bat ding thirc Cosi: $+ (x,+1)> 2249 =6 , vay d <+/6. Khoang cach d lén
X, +

0

nhét 1a /6 khi Lz=(x0+l)2<:>(x0+1)2=3<:>x0=—1i\/§.
(x,+1D

Vay: M(-1+43;2-43), M (-1-43;2+3).
Chon D.
D6 thi ham s6 (C,) c6 hai diém phan biét dbi ximg nhau qua gbc toa do khi va chi khi ton tai
X, #2 va x, # 0 sao cho y(x,)=-y(-x,)
2

3 ) —4 —x )V —4m(—
< tontai x, #2 va x, #0 sao cho Xy —4mx, +5m :_( X)) m(=x,) +5m
X, —2 (—x,)—-2

< tontai x, #2 va x, #0 sao cho (1-2m)x; +5m=0

m<0
Sm(1-2m) <0 1
m>—
< 1(1-2m)4+5m+#0< .
(1-2m).0+5m =0 4
m#—
3
Chon D.
Lay diém M(m;2+ jE(C) voi m#2.Tacod y'(m):— ! = .
= (n-2)
Tiép tuyén tai M c6 phuong trinh d:y:—;z(x—m)+2+ .
(m—-2) m—2

Giao diém cta d véi tiém can ding 1a A(2; 2+ 2 j
m —
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Giao diém cua d v6i tiém cin ngang la B(2m—2;2).

Taco AB® = 4{(;%—2)2 +ﬁ} >8, suy ra AB>2+2 . Ddu“="xay rakhi (m-2)" =1,
m—2

nghia la m =3 hodc m=-1.

Chon C.

Phuong trinh duong trung truc doan 4B la y=x.

Nhimg diém thudc d6 thi cach déu 4 va B c6 hoanh d6 1a nghiém ciia phuong trinh :

X

X+2=x©x2_x_1=0<:> 2 .
2x-1 1++/5
X =
2
Hai diém trén d thi thoa yéu ciu bai toan la [1‘2‘/5,1_2‘/5 j : [1+2‘/§,1+2‘/§J.
Chon C.

Goi M (x;y) thudc (C), ta co

2 2
IM =(x-1y-4)= IM* =(x~1)’ +(x+3+%—4j =(x—1)2+(x—1+%j :
xX— x—

g(x)

g(@) =(x-1) +(x—1) +ﬁ+2:2(x—1)2 trmy

- 4
= minIM = 2+2\/§.Datduqckhi2(x—l)2: ! 4—; \/5
x-—1

x=1l+—=
2
Chon B.
Phuong phap tu ludn
Goi M (xM,2— 1)thucf)c (C). Va MH, MK 1a khoang cach tr M dén tiém can dimg va
X, +
tiém can ngang. Khi d6 MH = |xM +1| va MK = 1 nk Do do
X, +

MH + MK :|xM +1|+m2 2 (Cauchy)

. Xy =—2=y,=3
Suy ra MH + MK bé nhat khi (xM+l)2:1<:>[ Y &
x,=0=y, =1

Phwong phip tric nghiém

Cho dd thi ham s6 (C): y=“*2

. Goi M 1a diém thudc d6 thi ham sb, khi d6 tong khoang

cx+d
ad - bc

2
C

cach tr M dén 2 tiém can c6 d6 dai nho nhat 1a 2

Chon A.
Goi A 1a diém thudc thudc nhanh trai cia do thi ham s, nghia la x, <3=vé1 s6 a >0, dat
6 6 6

X,=3-a,suyra y, =1+x —3:1+3—a—3 =1_; (1)
A
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Tuong tu goi B 1a diém thudc nhanh phai, nghia 1a x, >3 = véisd >0, dat x, =3+,

suyra y, =1+ 6 =1+ 6 =1+£ (2).
v, -3 3+p-3 B

Vay AB* =(x,-x,) +(y,-».) =[(3+8)-(3-a)] {(H%}(l_gﬂz

a

g(a;ﬂ)z(a+ﬂ)2+(g+%]2=(0‘+ﬂ)2+( ) (a+pB) ( ﬁ}z

36
=(a’ + > +2af)| 1+——
( ﬁ 'B) aZﬂZ
Duing bat dang thirc Cauchy, ta c6

g(a;ﬂ)Z(Zaﬂ+2aﬁ)£l+ 3;} 4 ,B+ﬂ>2\/4 144 =48
o

Vay AB = J48 =43 . Ddu dang thirc xay ra khi va chi khi

a:ﬁ a:ﬂ 1
4 1:>05=ﬁ=g

1440 = pr < (aB) = %

Vay d0 dai 4B ngan nhat 1a 443
Cau 46. Chon D.
Goi (x,;y,) la diém c6 dinh can tim.

Tacod y, =x; +mx; —m+2016,Ym < (x; —Dm+x, —y,+2016 =0,Vm

x;-1=0 x, =1 o [x, =1
& & hodc
Xy =y, +2016=0 [y, =2017 ¥, =2017
M(1;2017) _ [ M(-1;2017)
= hodc .
N(-1;2017) N(1;2017)
Toa d6 trung diém / cua doan thing MN 1a 1(0;2017).
Cau 47. Chon B.
Diém M nam trén tryc Ox : M(-2;0) = d,, =|-2|+0=2

Piém M nam trén truc tung : d,, =0+

_E‘:g<2
3] 3
e o i 1 . 2 2
Xét nhitng diem M c¢6 hoanh do |x|>§:dM :|x|+|y|>§.
Xét nhing diém M c6 hoanh d9 théa man |x|<§; y<—%:>|y|>§(*)

= Truong hop : OSxS%.Do (*) chonén: d,, =|x|+|y|>%

. Tru(‘)’ngho*pz—g<x<0;—z<y<0:>dM:—x—l—i;d'M:—1+ > 5
3 3 x-3 (x—3)
)‘::3_\/g . 1A , L  n Je . Je . A L. .
d',=0& . Khi 1dp bang bién thién ,ta thay ham s0 nghich bién véi moi
x=3++/5

xe(—%;Oj . Viy mind,, :dM(O):g.

Cau 48. ChonD.
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Cau 49.

Cau 50.

Cau 51.

Piém M (0,%) nam trén truc Oy . Khoang cach tir M dén hai truc 1a dzg.
1 2 1 A1 3 3
Xét nhitng diém M c¢6 hoanh d6 16n hon ) =d =|x|+|y| >5.
Xét nhitng diém M c6 hoanh d6 nho hon %:
3 3 3
o Voil<x<==y>==d=x|+|y>=
S>3 [l +[v]>
1 1

=1+ ;d'=— ><0.
x+2 x+2 (x+2)

e Vi —%<x<0;y>0:>d:—x+x+1+

Chimg to ham s6 nghich bién. Suy ra mind = y(0) = % .
Chon B.
Goi duong thing A vudng goc voi duong thing d : y = %x -3 suyra A:y=-2x+m.

Gia sit A cit (C) tai hai diém phéan biét 4, B. Khi d6 hoanh d cia 4, B 1 nghiém ciia
phuong trinh

x#2
x+4

5= T2XAM S 2 —(m+3)x+2m+4 =0

h(x)

D

B{éu ki.é,n cén: i
Dé A cat (C) tai hai diém phan bi¢t thi phuong trinh /#(x)=0 c6 hai nghiém phén biét khac
. [A>0 m*—10m—-23>0 |m<5-4/3
2, tic la = = ().
h2)#0  |-6#0 m>5+4/3
Diéu kign di:
Goi [ la trung diém cua AB, ta co:

v 4y . _m+3
_ A4 A 1=
X, 5 4 : ](m:3;3m2+3j‘
y, =2x,+m [:%+m

Pé hai diém 4, B di xing nhau qua d:x—-2y-6=0  khi
Ied<:>m:3—2.3m2+3—6:04:)m:—3(th6adiéukién(*)).

.. . 5 x=-1=y=-1
V61 m =-3 phuong trinh A(x)=0<2x"-2=0&
x=1l=y=-5
Vay toa hai diém can tim la (1;-5) va (-L;-1).
Chon A.
Goi (x,) 1a diém cé dinh cta ho d6 thi(C, ): y =x* +mx* —m—1, ta c6
y=x'+mx*-m-1,Ym

<:>(x2 —1)m+x4—1—y=0,Vm

x*=1=0 {le {x:—l
& & ;
x4—1—y=0 y=0 y:O
Vay ho dd thi 6 hai diém ¢6 dinh 1a (~1;0),(1;0).

Chon B.
Goi M (x,;y,) vo1 x,eN,y, eN.
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x,eN

= =x,+1e1-8;,-4;-2;-1;1;2: 4,8t = x, €{-9;-5;-3;-2;0;1;3;7
yO:l X, —6+ 8 eN 0 { } ’ { }
2 x, +1
Do x, e Nnén
= x,=0=y,=1=M(0;1) 5x0=13y0=—%(loai)
zix0:3:>yoz—% (loat) & x,=T=y,=1=M(T;1).

Cau 52. Chon A.
Goi A(x,;¥,), X, >0 la diém c6 dinh can tim.

Ta co: y, =—x, +2mx; —2m+1,Vm

— A(1;0)

x.—1=0 x, =1 (x,>0
©2m(x§—l)+1—x§—yO:O,Vmc>{ ° :{ o =1 (% >0)

I=xy =, =0 Yo =0
Laico y' = —4x’ +4mx = y'(1) =4m—4.
Phuong trinh tiép tuyén cia (C,) tai diém A(1;0) co6 dang y=(4m—-4)(x—1) hay
y=M@m-4)x+4-4m (A).
. . _ |4m—-4=16 m=>5
Vi A song song v6éi d nén =
4—-4m=0 m#1

Cau 53. ChonD.

G(_)iM(x,x+2+ je(C).
x+2
Khoang cach tt M dén d 1a h(M;d) cho béi
3x+y+6 1 1 1‘
h(M;d :| = 3x+6+x+2+——|=—=|4(x+2)+ .
M) =30 7o P Il G A
e Khi x+2>0:
Tacod 4(x+2)+ >4 diu bang xay ra khi 4(x+2) = <:>(x+2) =—:>x=—§
x+2 x+2 2
, 4
Vay h(M;d) dat gié tri nho nhat la —.
dy h(M;d) dat g 7o
e Khi x+2<0
Tacod —4(x+2)- >
aco —4(x+2) (+2)
. 1 5
Dau ba : & —4(x+2)=- o(x+2)Y =—=x=-=.
au bang x4y ra (x+2) 0 (x+2) il
, 4
Vay h(M;d) dat gié tri nho nhat la —.
dy h(M;d) dat g 7o
Cau 54. ChonC.
Goi M(a;a—Hje(C) voi a#1tacd d=la—1|+| L1 =ja-1j+ 2222
a-1 a-1 |a—1]
Cau 55. Chon B.
=0
Goi M(a;a+2Je(C) véi a#2 ta co |a—2|=“—+2—1‘@|a—2|=i@ 77 vay
a-— a— |a—2| a=4

M (0;-1),M (4;3).
Cau 56. Chon A.
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Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

*~2a-3=0 =-1
Goi M(a;a+3Je(C) voli a#1 ta co |a|=a+3<:> ¢ 4 & ¢ . Vay
a=l a-1] " |a*+3=0 a=3
M (-1;-1),M (3;3).
Chon C.
GoiM(a;a+?je(C) véi a#1 taco
a_
a+2 _a=1+\/§
- +1
el

<~

1 |612—a—3|=1<:> a2_2a_2:() a=1—\/§.
02_420 a:2

2T e

Vay c6 hai diém thoa yéu cau 1a M (2;4);M (-2;0).
Chon C.
Goi M (x,;,) 1a diém c6 dinh cua ho do thi (C, ), ta c6

Yo :(m+2)x§ —3(m—2)x0 +m+7,Vm

<:>(x3 -3x, +1)m+2x3 +6x,+7-y,=0,Ym

x, =3x,+1=0
{2x§ +6x,+7-y,=0

Vi hé ¢6 3 nghiém phan biét nén ho dd thi c6 3 diém cb dinh.
Chon B.
Goi M (x,y),N(-x,y) 1a hai diém thudc do thi (C, ) déi xtmg nhau qua truc tung. Ta ¢6

X —(3m—1)x2 +2mx+m+1=-x —(3m—1)x2 —2mx+m+1

3 x=0
S 2 +dmx =0 | .
X" =-2m
Vay m<0.
Chon B.
. A'>0 2472>0
Tacc')y':6x2+2mx—12.1-)iéukién{ @{m 0 g <m=0.Vay m=0.
= m=
Chon C.
a+a-1=0
Goi M(a,aJrlje(C) voi a#-2,taco |a|= atl &
a+2 a+2|  |a*+3a+1=0

Phuong trinh ¢6 4 nghiém nén trén dd thi ¢6 4 diém cach déu hai truc toa do.
Chon B.

_ - =1
GQiM(a,M S)E(C) véi a#2 taco |a—2|=3“ 5—3‘@(61—2)2:1@[" :
a-=2 a-2 a=3
Vay M (1;1); N (3;4).
Chon C.

Goi A(a,~a’ +3a+2),B(b,~b’+3b+2) la hai diém trén (C) dbi xtmg nhau qua M (-1; 3),

a+b=-2
ta co:
—a’+3a+2-b*+3b+2=6
a+b=-2 a+b=-2 a=0 a=-2
= 3 & = v
(a+b) —3ab(a+b)—3(a+b)+2:0 ab=0 b=-2 |b=0
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Cau 64. Chon D.

, 3—x —x+1+2 2 x—1=-2 x=-1
Taco y= = =—l+——= = .
x—1 x—1 x—1 x—1=1 x=2

Vay c¢6 4 diém thoa yéu cau bai toan.
Cau 65. Chon D.

"—“L;—l‘=|a—2|+ SRS N

a |a—2|
L . . 2 a= 2+\/§ . 4.2
Dau "=" xdy ra khi va chi khi (¢a-2) =3< . Vay hai diém do6 1a
a=2-/3

(2+351+43)va (2-4/3;1-43)
Cau 66. Chon D.

T4m dbi xtmg cta do thi 1a giao diém cua hai duong tiém can. Vay diém can tim 1a M (-1; 3).
Cau 67. Chon B.

a+l1

a—2

G(_)iM(a; je(C) voi a#2.Taco d=|a—2|+

Goi M(a;za_'_lje(C) voi a#1.
a_
2
a —-2a+1=2a+1 a=0
Ta co |a—1|=2a+1<:> sd-4a=0s
a-1 a’*-2a+1=-2a-1 a=

Vay diém can tim la: M (0;-1),M (4;3).
Cau 68. Chon A.
a+2

GoiM(a; je(C) VOi a#2.

a-2
Ta c6 5|a—2|=“—+§ & 5(a’-4a+4)=4.
a-

—1‘©5|a—2|:m

+
<:>5a2—20a+16=0<:>a=g

Vay c6 hai di€m can tim.
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