SO GD&PT PHU THO PE KHAO SAT CHAT LUQNG LAN 4
TRUONG THPT CHUYEN LOP 12 NAM HQC 2017 - 2018
HUNG VUONG MON: TOAN

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 7:

Cau 8:

Cau 9:

(Pé gom: 05 trang) Thoi gian lam bai: 90 phiit;

(50 cdu trdc nghiém)

Ma dé thi 101

Trong khéng gian véi hé toa 46 Oxyz, hinh chiéu cua diém M (1;=3;=5) trén mat phing
(Oyz) co toa do la
A. (0;-3;0). B. (0;-3;-5). C. (0;-3;5). D. (1,-3;0).

Cho a va b lan luot 1a s hang thir nhat va thi nim ctia mot cap sé cong cd cong sai d # 0.

Gia tri cualog, (%j bang

A. log, 5. B. 3. C. 2. D. log, 3.
Hinh v& bén la mot phan d6 thi ciia ham sb nao ? yh
_x—1 _x-1
P IS

=Y

__ X _—x-1 O 1
YT Dy (

Luc gidc déu ABCDEF ¢6 bao nhiéu dudng chéo ?
A. 15. B. 6. C. 9.

D. 24.

Trong khong gian v6i hé toa do Oxyz, cho ba vecto a= (-L10), b= (LL0) va
¢ =(1;1;1).Ménh d& nao dudi day sai ?

A. ¢ Lb. B. H:ﬁ. C.alb. D. ‘Zl‘=\/§.

Cho mét hinh try c6 chiéu cao bang 2 va ban kinh day bang 3. Thé tich cua khdi try da cho

béng

A. 671. B. 187. C. 15x. D. 9.

Ham s6 y = x* —2x* + x+1 nghich bién trén khoang nao dudi day ?

A. —oo;l . B. (1;+o). C. —l;l . D. l;1 .
3 3 3
3 N
Gid tri cta [dr bing
0
A. 3. B. 0. C. 2. D. 1.
Gid trj cita lim "2 biing
x—2 X
A. 3. B. 2. C. 0. D. 1.
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Mot khdi lap phuong c6 d6 dai canh bang 5, thé tich khéi lap phuwong di cho bang
A. 243. B. 25. C. 8l1. D. 125.
Cho ham sé f (x) xac dinh trén R\ {0}, lién tuc trén mdi khoang xac dinh va c6 bang bién

thién nhu sau

Ham s d3 cho ¢6 bao nhiéu diém cyc tri ?
A. 3. B. 1. C. 2. D. 0.

Tap nghiém cta bat phuong trinh log, x<0 la

A. (01). B. (—;1). C. (I;+0). D. (0;+0).

Trong khong gian véi hé toa 6 Oxyz, phuong trinh nao sau day 1 phuong trinh ciia mat phang Ozx?
A. y=0. B. x=0. C.z=0. D. y-1=0.

Diém nao duéi day 1a diém cuc tiéu cia d6 thi ham sé y = x* —3x+5?

A. M(1;3). B. O(3:1). C. N(-1;7). D. P(7;-1).
Nguyén ham ctia ham sd f(x) =cosx la

A. —sinx+C. B. sinx+C. C. cosx+C. D. —cosx+C.

Mot nhém g@)m 6 hoc sinh nam va 4 hoc sinh nit. Chon ngau nhién déng thoi 3 hoc sinh
trong nhom d6. Xac suat dé trong 3 ba hoc sinh dugc chon ludn c6 hoc sinh nit béng

A2 B. 2. c.L p. L1
6 3 6 3
Tap xac dinh ctia ham s y = [log, (x—l)—l la
2
3 3
A. (L;+00). B. [L;+00). C. (1;5). D. (1;5}.

Trong khéng gian v6i hé toa d6 Oxyz, cho ba diém A(2;1;-1); B(-1;0;4); C(0;—-2;—1). Phuong trinh
nao sau day 1a phuong trinh ctia mat phang di qua 4 va vudng goc véi BC ?
A. x-2y-5z=0. B. x-2y-5z-5=0. C. x-2y—-5z+5=0. D.2x—-y+5z-5=0.

Cho hinh lang tru déu ABC.A'B'C' ¢c6 AB=~/3 va AA'=1.Géc tao boi gitta dudng thing
AC' va mit phang (ABC) bang
A. 45°. B. 60°. C. 30°. D. 75°.
Mot ngudi giri 100 triéu dong vao mot ngan hang véi 13i suat 0,6% /thang. Biét rang néu khong
rit tién ra khoi ngan hang thi cr sau mdi thang, sb tién 14i s& dugc nhap lam von ban dau dé
tinh 14i cho thang tiép theo. Hoi sau it nhat bao nhiéu thang, ngudi 6 duoc linh s tién khong it
hon 110 triéu déng( ca vén ban dau va 1ai), biét rang trong sudt thoi gian gui tién nguoi do
khong rat tién va 13i suat khong thay doi ?
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Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

A. 17 thang. B. 18 thang. C. 16 thang. D. 15 thang.

Cho [ f(x)dx=16. Tinh 7 = [ f(2x)dx.

A. 16. B. 4. C. 32. D. 8.
o , x—1 . .
Hoi d6 thi ctia ham s0 y = ———— c6 bao nhi€u duong tiém can ?
X—x+2
A. 4. B. 3. C. 2. D. 1.

£ 1 . . .
Trén khoang (O;l) ,hamso y = X’ +— dat gid tri nho nhat tai x, bang
X

1 1 1 1
A, —. B. —. C. —. D. —.
2 B B Ng

Cho hinh chép S.ABCD déu c¢6 AB=2a,SO=a véi O la giao diém cua AC va BD.Khoang
cach tir diém O dén mat phang (SCD) bang

A3 B. a\/2. c.Z. p. V2.
2 2 2

X ~ U NI £ 3x-2 Y

Hinh v€ dudi day 1a do thi ciia ham s6 y = T Tim L
x_

tat ca cac gia tri thuc cua tham s6 m d€ phuong trinh —
3x-2| AP
—— =m c0 hai nghiém thuc ?

x—1 5 -
A. 3<m<0. B. m<-3. \
C.0<m<3. D. m>3.

Cho hinh chop S.ABCc6 SA=a,SA L (ABC ) , tam gidc ABC vudng can dinh 4 va
BC =a 2. Goi M, N lan lugt 12 trung diém cua SB,SC. Cosin cla gbc tao boi hai mat ph:fmg
(MNA)va (ABC) bing

A2 B V2. c. p. 2.
4 6 3

>
Cho sb nguyén duong 7 thoéa man 2C) +3C; +...+(n+1)C; =2621439.S6 hang khong chira

. s R 5 < A , 1 ! N
x trong khai trién cua bicu thuc (xz + —j bang
X

A. 43758. B. 31824. C. 18564. D. 1.

Cho ham s6 f(x) lién tuc trén khoang (-2;3). Goi F(x) la mdt nguyén ham cua f(x) trén
2

khoang (-2;3). Tinh 7 = j [/ (x)+2x]dx, biét F(-1)=1 va F(2)=4.
-1

A.I=6 B. 1 =10. C. [=3. D. I =09.

Héi c6 bao nhiéu sb nguyén m dé ham sb y=(m* —Dx* +(m—1Dx* —x+4nghich bién trén

khodng (—o0;+00)?
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Céu 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

A. 1. B. 2. C. 0. D. 3.

3
Bidt jL
o (x+2)(x+4)
A. 5. B. 4. C.2. D. 3.

dr=aln2+bIn5+cln7(a,b,c € Q). Gia tri cua biéu thirc 2a +3b—c bing

C6 bao nhiéu gia tri nguyén ctia tham s m dé ham s6 y = x+m~/x* —2x+3 dong bién trén
khoang (—oo;+oo)?

A. 2. B. 4. C. 3. D. 1.

Cho hinh chép S.ABCD déu c6 AB =2 va SA=23+2. Béan kinh cia mat cdu ngoai tiép hinh
chop da cho bang

V33

A, ——. B.
4

C. 2 D.

YN
ENg NG

D6 thi ciia ham s6 y = g(x) d6i xtng voi dd thi cia ham sdy =a* (a >0;a+# 1) qua diém

2018
A. 2016. B. -2020. C. 2020. D. -2016.

I1(1;1). Gia trj cta biéu thire g(Z—i— log, LJ bang

Cho céc s6 thuc x, y thoéa man log, x+log, y* =5 va log, x* +log, y = 7. Gia trj cia xy bang
A. 1024, B. 256. C. 2048. D. 512.

Cho ham s6 y = sin3xcos x —sin 2x. Gia tri cua y"” (%) gin nhét véi sé nao dudi day 2
A. 454492. B. 454493, C. 454491. D. 454490.

Heé s6 cta s6 hang chira x” trong khai trién (x2 —3x+ 2)6 bang
A. —6432. B. —4032. C. -1632. D. —5418.

Cho tap hop 4={1;2;3;4;......... ;100}. Goi S 1a tAp hop gOm tit ca cac tap con cia A, mdi tip
con nay gdm 3 phan tir cia 4 va co tong bang 91. Chon ngau nhién mot phan tir cia S. Xéc
sut chon dugc phan tir c6 ba sb 1ap thanh mot cp s nhan bang

A B. . c. - D. L.

645 645 645 645

2 2
. v LA T , J L U \ J + + L q .
Goi S la tap hop cac gia tri thyc cua tham s6 m dé do thi cia ham s6 y = % ¢0 hai
x f—
diém cyc tri 4, B. Khi AOB =90° thi téng binh phuong tat ca cac phan tir ciia S bang
1 1

. — B. 8. C. —. D. 16.
16 8
< +1 A % . ; s
Cho ham s0 y = 2 co do thi (C) va diém A(a;Z). Goi S 1a tap hop tat ca cac gia tri thuc
x_
ciia a dé co dung hai tiép tuyén cia (C) di qua diém A4 va co hé sd goc k,,k, théa man

k, +k, +10k’k; = 0. Tong gia tri tit ca cic phan tir ciia S bang
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Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

A. 7. B. ﬂ C. ﬂ p. L
2 2 2
Cho ham s6 y= f(x). Him s0 y=f"(x) c6 do v "
thi nhu hinh v& bén. Ham s6 y = £ (x*) déng bién \ /\
trén khoang
—N\O 1 4 @

. NoL~
a[-LL) B. (0:2).

272

c. (_l;oj. D. (-2-1).

2

Trong khong gian voi hé toa do Oxyz, cho mit phing (P):x—2y+z—1:0 va diém

A(0,-2;3),B(2;0;1). Diém M (a;b;c) thuge (P) sao cho MA+MB nho nhét. Gia tri cua

a’ +b* +¢* bang
41

A B. 2. C.
4 4

Cho hinh thap nhi dién déu (tham khao hinh v& bén).
Cbsin clia goc tao boi hai mit phang co chung mot canh _
cua thap nhi dién déu bé'mg

\/g_l B E

2 T4

1 | f
C. —. D. -
NG 2

Cho céc sb thuc a,b,c¢ khong am théoa man 2° +4° +8° =4. Goi M,m lan luot 1a gia trj 16n

D. 3.

NN

nhét va gi trj nho nhat cia biéu thirc S = a +2b+3c. Gia trj ciia biéu thic 4" +log,, m bang
4 2809 g, 281 c. 4096 p 14

" 500 " 50 T 729 " 25
Cho hinh chop S.ABCD c6 day la hinh chit nhat, AB=a, S4 1 (ABCD), canh bén SC tao
voi (ABCD) mot goc 60° va tao voi (SAB) mot goc « thda man sina =T3. Thé tich cua
khéi chop S.ABCD bang

3
A. \3d. B. 25" . C. 24°.

Cho ham s6 y=ax’+bx’ +cx+d c6 d6 thi nhu hinh vé
bén. Ménh dé nao dudi day dung ?

A. a<0,b<0,c>0,d<0.

B. a<0,b>0,c>0,d <0.

C.a>0,b<0,c<0,d>0.

D. a<0,6>0,c<0,d <0.
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Ciu 46: Hinh ling try ding ABC.4A'B'C' c6 dién tich day bang 4, dién tich ba mat bén lan luot la
9,18 va 10. Thé tich khéi ling try ABC.4'B'C'bang

4f /
A. 11951, B. 112951. C. V11951. D. 112951.

CAu47:  Trong khong gian véihé toa dd Oxyz, chobadiém A(1;1;2); B(-1;0;4); C(0;-1;3)vadiém M thude
mitcdu (S):x* +y* +(z-1)" =1. Khi biéu thirc MA> + MB* + MC? dat gia tri nho nhét thi do dai doan
thing MA bing

A V2. B. /6. C. 6. D. 2.
Cau 48: Biét F(x) 12 nguyén ham cua ham sb f(x) =M. Hoi db thi cia ham s6 y = F(x)
X
¢6 bao nhiéu diém cuec tri trén khoang (0;20187)?
A. 2019. B. 1. C. 2017. D. 2018.

Cau 49: Cho ham 5O yv=f (x) xac dinh trén [0; %} thoa man

{fz(x)—%/if(x)sin(x—%ﬂdx=2_T7r. Tich phan J%f(x)dx bing

oty

A. %. B. 0. C. 1. D.

N_l 3

Cau 50: Cho tir dién ABCD déu c¢6 canh bang 2+/2. Goi G 1a trong tim cua tir dién A4BCDva M 1a
trung diém cua AB. Khoang cach giita hai dudong thing BG va CM bing
A 2 B. >

3

2

(Thi sinh khong dwoc sir dung tai liéu, can by coi thi khong gidi thich gi thém)
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Dép én chi tiét dé THPT Chuyén Hung Vuong — Phi Tho  Ngoc Huyén LB — Ngoc Nam

DE THI KSCL LAN 4 — TRUGNG THPT CHUVEN HUNG UUONG
DAP AN

1.B 2.C 3.A 4.C 5.A 6.B 7.D 8.A 9.B 10.D
11.C | 12.A | 13.A | 14.A | 15.B | 16.A | 17.D | 18.B | 19.C | 20.C
21.D | 22.C | 23.B | 24.D | 25.A | 26.D | 27.C | 28.A | 29.B | 30.D
31.C | 32.D | 33.D | 34.D | 35.D | 36.D | 37.C | 38.A | 39.B | 40.C
41.B | 42.C | 43.C | 44.C | 45B | 46.A | 47.A | 48.C | 49.B | 50.A

STUDY TIPS
Cép s8 cong (u,) c6 s
hang ddu u, va congsaid
thi un=u1+(n—1).d

véi n>22;neN.

STUDY TIPS
Cho mét da giac 16i n dinh
(n canh) thi s& duong chéo
cua da giac 161 d6 la:
C2 - n (duong chéo).

HUGNG DAN GIAI CHI TIET

Cau 1: Dap an B.

Hinh chiéu cua diém M(1,-3;-5) trén mit phang (Oyz) la diém M’(O; —3;—5).
Kién thifc cin ghi nhé: Trong khong gian véi hé toa d6 Oxyz, cho diém M(x,;y,;z, )-
+ Hinh chiéu cta diém M trén mit phang (Ocy) la diém M(xo Y ;O).

+ Hinh chiéu caa diém M trén mit phang (O/z) la diém M, (O,' Y ,'zo).

+ Hinh chiéu ctia diém M trén mat phing (Oxz) 1a diém M,(x,;0;z ).

Céau 2: Dap an C.
Ttr gia thiét ta c6 b=a+4d nén log, [?j =log, [%j =2.

Cau 3: Pap an A.

D06 thi di qua cac diém (1;0) va (O; —1) nén loai hai phwong an C, D.

Khi x <0 thi y=-1, ta thdy chi cé ham s6 y =|i|;+11 thoa man.

Cau 4: Dap an C.

Luc giac déu ABCDEF ¢6 6 dinh nén c6 6 canh.

Chon ra 2 trong 6 dinh cua luc gidc déu ABCDEF ta dugc 1 canh bat ki. Suy ra s6
canh dwoc tao thanh tir 6 dinh ABCDEF1a C é.

S6 duong chéo cua luc giac déu chinh la s6 canh dwoc tao thanh tir 6 dinh ctia nd
(khong ké cac canh cua luc gidc déu). Vay s6 duong chéo la Cg -6=9.

Cau 5: Dap an A.

Phurong dn A: Ta cd be=11+1.1+0.1=2%0 nénb khong vudng goc véi c.

Phuwong dn B: Ta cd ‘E‘ —J12 412 +12 =+/3.

Phuwong dn C: Tacd ab=-1.1+1.1+0.0=0 nén a L b.

Phitong dn D: Ta ¢6 H = (A1) 12402 =2

Cau 6: Dap an B.

Thé tich ctia khéi tru ¢6 chiéu cao h =2, ban kinh day R=3 la:
V =nR’h =1.32.2 =18n (dvtt).

Céau 7: Dap an D.

Khai bao sach chinh hang tai: congphatoan.com
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STUDY TIPS
+ Néu dao ham y'=f(x)
d6i dau bao nhiéu Ian thi
ham s§ y = £(x) c6 bay
nhiéu diém cuec tri.
+ Cho ham s¢ y = £(x) co
dao ham f’(x) khong xac
dinh tai diém x=x,, tuy
nhién ham s6 van c6 thé dat
cuc tri tai diém x .

1
Taco ¥y =3x"—4x+1Ly' =0 73
x=1

1
Lap bang bién thién ctia ham s6, ta thdy y'<0,Vxe [5 ;1J nén ham sé da cho

1
nghich bién trén khoang | —;1 |.
3

Cau 8: Dap an A.
Cau 9: Dap an B.
f(x)_f(x)

f(x") 0 thi lim
gx) () s

Kién thitc cin ghi nhé: Néu

Cau 10: Pap an D.

Theé tich cua khéi lap phuwong c6 d6 dai canh la a=51a V =4’ =5° =125 (dvtt).
Cau 11: Pap an C.

Quan sat bang bién thién ta thdy dao ham ' d6i dau tir am sang duwong khi x di
qua diém x =0;y' d6i dau tir dwong sang am khi x di qua diém x=1. Suy ra ham
sO dat cuc tiéu tai diém x =0; ham s0 dat cyc dai tai diém x=1. Vay ham s6 c6
dung 2 diém cyec tri.

Cau 12: Pap an A.

x>0

Ta céd log2x<0<:>{ 50 1<:>O<x<1. Vay tap nghiém la S:(O;l).
x<2’ =

Cau 13: Pap an A.

Kién thiic cin ghi nhé: Trong khong gian véi hé toa dd Oxyz thi:
+ Phuong trinh mét phéng (Oxy) la z=0.

+ Phuong trinh mét phéng (Oyz) la x=0.

+ Phuong trinh mét phéng (OXZ) la y=0.

Cau 14: Pap an A.
Taco 1/ =3¢ -3y =0 | ¥~ 1
y' = ;Y = 1

Ta c6 bang bién thién dudi day:

X — o -1 1 + ®©

+ 0 - 0 +
7 + o
y / \ /
o 3

Quan sat bang bién thién, ta thay d6 thi ham s6 dat cuc tiéu tai diém (1; 3).

Cau 15: Pap an B.

Ta co If(x)dx = Jcosxdx = Id(sinx) =sinx+C.

Céu 16: Dap an A.

Xét phép thir T: “Chon ngau nhién dong thoi 3 hoc sinh trong nhém 10 ban gom

6 hoc sinh nam va 4 hoc sinh nit”. S8 phan tt ctia khong gian mau la n(Q) = Cfo.
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Goi A la bién c6 “Trong 3 hoc sinh duwoc chon ludén c6 hoc sinh n&t”. S6 phan ti
ctia bién 8 A 1a n( A)=C,C; +C3C; +C; =100.

Vay xd4c sudt can tinh 1a P(A) = %: %: g
n 10
Cau 17: Pap an D.
x—=1>0 x>1

Ham s6 y:\/m xac dinh khi logl(x—l)21<:> x—1<1
2 2 2

x>1 3 ,
= xsé<:>1<x§5. Vay tap xac dinh la D:(l;z}

Cau 18: Pap an B.
Ta co BC =(1; -2; —5) nén mat phéng (P) di qua diém A(Z; 1 —1) va vuong goc
v6i BC s& ¢6 VIPT la n=(1,-2;-5).
Phuong trinh mét phing (P):1(x—2)-2(y—1)-5(z+1) =0 <x—2y-5z-5=0.
Cau 19: Bap an C.
Tacd CC' L (ABC) nén C la hinh chiéu ctia C' trén mét phang (ABC)
Suy ra AC'(4BC)|=(AC, AC) =C'C.
e e CC 1 s e
Do AACC' vudng tai Cnén tanC'AC 2 R =CAC=30°.

V3
Cau 20: Pap an C.
Gia st sau n thang, nguoi d6 linh duoc s6 tién khong it hon 110 triéu dong, trong
dé nelN.
S8 tién ngudi d6 nhan duoc sau n thang 1a 100(1+ 0,6%)” (triéu dong).
Tir gia thiét, ta c6 100(1+0,6%) =110 < 1,006" 21,1 <> n>log, ., 1,1~15,93.

Vay sau it nhat 16 thang thi nguoi d6 linh dwgc so tién khong it hon 110 triéu

dong.

Cau 21: Pap an D.

Diit 2=t = dr = ~dt va I=ljf(t)dt=ljf(x)dx=1.16=8.
) 2 24 24 2

Cau 22: Pap an C.

Tacb 1= (x—l)(x+ x+2) :(x—l)(x+ x+2):(x_1)(x+M)
acod y (x—\/x+2)(x+\/x+2) P_x_2 (X+1)(x—2)

T Lo x-l - L ox-l R NI
* Xét lim y=lim ———==1;limy=lim ———==1 nén x=-1 khéng la
x—>-1 >1 y—fx+2 x—>-1" =1y —\x+2

tiém can ngang ctia d6 thi ham s6.

Khai bao sach chinh hang tai: congphatoan.com
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(x—l)(x+\/x+_2)

(x—l)(x+ x+2

* Xét limy=1lim =—o0; limy =lim =4 nén
o T T e 1)(x-2) oV T T 1) (x-2)
x =2 la tiém can ding cua d6 thi ham so.
-1
* Xét lim v = lim _x-1 lim ——% -1 nén y=1 la duong tiém can

y —
X—>+0 X—>+0 x _ x + 2 X—>+0 1 2
1—‘/—+—2
X x

ngang cua do thi ham so.

Vay d6 thi ham s6 da cho ¢6 2 duong tiém can.
Cau 23: Dap an B.

Cach 1: St dung phuong phap ham s&

, R L, 1, 1
Xéthams6 y = x° +% trén (0;1). Tacd Y =3x? —?;y =0<:>x=%=x0 6(0;1).

Bang bién thién:

Quan st bang bién thién, ta thdy ham s8 y = x* + = dat gi trj nho nhét khi
X

1
X=X, =—.

i

Cach 2: St dung BDT Cauchy

1 1 1 1 / 1 4 , Doy
Tacd y=x’+—=x"+—+—+—244x° —— = .Dau “=" xay ra khi va chi
X 3x 3x 3x 27x° {27

s 1 g 1 1
khi ¥ =—Sx =—x=—.

3x 3 i3

Cach 3: S&t dung MTCT

Nhéap ham s& f(X):X3+% voi Start:O,Endzl,Step:%.
woog) (7] (o) O] (&) (o3 (B (D B e ) B E @ E W E @ H G160 (E)

Math [c] Math Math [C] Math

1 w 9 9
fon=y3+3 Start? Encl’ Sten’
0 1 0. 05263157895
] Math [c] Hath [c] Hath [c]
% F i " F i % Fid n Fit
I 0| EREUE ufp. 1578 | 6. 3372 1 I:I.!IE'I‘E.I!BI 10{0. U736 2. 2173
2l 0. ns2E 5o 2105 | ML 11|0.5853
3lo: 105z lemen &l 0. 2631 [EREIGE C{ I WTE g 12/ 0. 57a [l
9.5011585551 S.515E2425]1 2. 34954545 1.921324535
13|0.Ba1s|s égéa 15(o Elasu‘lF'slgaﬂ ‘ 190, funa P
11 0- AU 11| 0= Buz1 | g 23| ™2 |l
15021368 3 18/ 0. B3 INAGEEE il
1. 757201175 1.553595225F
/4 2 - A - A A . 1
Quan st bang bién thién, ta thdy miny ~1,7572 khi x~0,7368 z_‘\*/g .

Cau 24: Pap an D.
Goi E la trung diém ctia CD thi OE L CD, ma CD LSO nén CD L (SOE)

= (SCD) L (SOE) va (SCD)(SOE)=SE.
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Trong mit phing (SOE) ké OH L SE thi OH L(SCD) hay OH =d(0;(SCD)).

ASOE vubng tai O c¢6 OH la duong cao nén: 12= 12+ 12
OH" SO° OE
-1 1,12 on-2 Vay d(0;(SCD))= a2
OH® a a a 2 2
Cau 25: Dap an A.
3x 2
3x-2
TaCéyzf()| 1| 312 ;
- - khi x <—
x-1

oo Br-2 .
bé vé @6 thi (C’) cua ham so y:f(x):—l tir d6 thi (C) cua ham so

x_
y= ol talam nhu sau:
x-1
. 2 . 3x-2
Yp +Véi x 25 thi f (x) = 1 . Ké duong thang x ==, khi d9 ta gitt nguyén do
I X —
I
! N 2, N
| L_ thi (C) nam bén phai dudng thang x=§ va bo toan bd phan d6 thi (C) nam
T==s]
\\I
N bén trai duong thang x =§ (phan bo di bidu dién bang duong nét dt). Phan git
Of Al x
4. i T ot oRAn 5 i (C.) ciia ham o8 Bx-2 . .2
__A | lai chinh l1a mét phan d6 thi (Cl) cua ham so f(x)=—1 khi ng.
=—=—g4----- x—
. 2 .. 3x-2 Mo AN W11 N .
Y. + Vi x <§ thi f(x) == Ta lay do6i xitng phan vira bi bo di (duwong nét
x_
L ‘ S N pr-2f 2
3 dut) qua truc hoanh duwoc phan do thi (Cz) cuiahamso f (x)= n khi x<§.
x_
Gop hai phan do thi (C,) va (C,) ta dwoc do thi (C') cua ham s8
OAl x ()|3x_|(hh bén).
e d y=f(x o inh vé bén
-3

|3x —2|

Quan sat d6 thi ta duoc phuong trinh =m ¢06 hai nghiém thuc < D0 thi

(C’) cat duong théng y=m tai dung hai diém < -3 <m<0.

Cau 26: Dap an D.

Cach 1: St dung cong thikc tinh dién tich cta hinh chiéu

BC
e

Goi E 1a trung diém ctia AB thi ME//SA= ME L( ABC). Goi F la trung diém cua

Do AABC vudng can dinh A nén BC = AB\2 = AC\2 & AB= AC =

AC thi NF//SA=> NF 1(ABC). Suy ra AAEF la hinh chiéu cia AAMN trén mit

phéing (ABC).

Tacd S, = SAAMN.COS((W)) = cos((m)) = SA"i
AAMN
Lai c6 AM = AN =%53=%5c _i MJL%:# nén AM = AN = MN

Khai bao sach chinh hang tai: congphatoan.com
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Goi S la dién tich caa da
gidc # trong mit phing
(P) va S' la dién tich hinh
chiéu ' ctia . trén mit
phéng (P’) thi S'=S.cosa,
trong d6 a la goc gitta hai
mit phing (P) va (P’).
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2
L AAMN deuva s, = AMN3 3 2| f (dvd).
4 42
< L1s 1 a’ . 1\ S J3
Mt khdc 5,5 =7 Syne =g (dvde). Vay cos((AMN),(ABc)) = SMEF -

AAMN
Céch 2: Gin hé truc toa dd
Chon hé truc toa do Axyz nhu hinh vé trong dé A(O;O;O),B(a;O;O),C(O;a;O),

5(0;0;a).

Do M, N Tan lugt la trung diém ctia SB va SC nén M[% 0; %J,N 0;%;%}.

Ta co mz(f;oﬂjﬁﬁz[oﬂ;fj:[W,Zﬂ:(—”—;—”—;—} Suy ra mat
272 2'2 4’ 474

phing (AMN) c6 VIPT la n, =(1,1;-1).

Mgt phéng (ABC)=(Oxy) nén cé VIPT la n, =(0;0;1).

1 3

n| 3 3

n.n,

cos(nl,n2)

Vay COS((M)) =

Cau 27: Pap an C.
Ta cé 2C, +3C2 +4C) +...+(n+1)C! =

=(C)+2C} +3C) +..+nC})+(CL +C2 +C) +..+Cl).
Xét khai trién (1+x)" =C) +Clx+C2x” +Cx” +..+C'x" (1)
Pao ham hai v€ cta (1) ta duoc: n(1+x)m1 =C! +2C2x+3Cx* + ...+ nC'x" (2)

o . C'+Cl +C2+..+C'=2"

Thay x=1 va hai hé thttc (1) va (2) ta duoc: '1’ ”2 " " ,
Cl +2C?+3C’ +...+nC! =n.2"
T gia thiét 2C, +3C; +...+(n+1)C =2621439 ta c6: n.2"" +2" —1=2621439
Str dung TABLE v6i ham s8 f(X)=Xx2""+2% -2621440 va chon Start=1,
End =20,Step =1 ta tim dwgc X =18 hay n=18.
i DX 2@ e I EH O BH 2w e =H 260 @M

Math Math [E] Math [E] Math
fix)= xxz-‘*‘ Lym#op | fir=4 252144[1 start? Enc?
1 o0
Math = Math = Math ] Math
Step? I R N | R o ¥ ol BERg
g gl =g ] 5| =g B B| =g
3 3 nbB B B b g g -
1 -FEF147F0 -FE571154 = ==yt
] Math [E] Math [E] Math [C]
H | FiRl H ‘ Fixl H Fixl H Fidl
10 10| -8B 13 13| -2nB 1B IE| -2nB 19 19 .
11 11] =g 14 ] _-g- 11 1M =1 2l 20 |[-M:-I-
12| 2 nb 15 15 nb 18 1:] 1 2l
-E2SRETES -Z5dE91lE [u] S91Z25895

18
] 1 18 18-k PR
Xét khai trién (x2+—] =D Ch(¥) (x7) =2.Cha™™ voi 0<k<18keN.
X

k=0 k=0
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STUDY TIPS
Ham s§ y=ax*+bx+c ¢

do thi 1a parabol (P) dinh

thi ham s& déng bién trén
khoang (7£ ;+ooj va ham
2a
0 nghich bién trén khoang
[—oo;—hj. Nguogc lai, néu
2a
a<0 thi ham s dong bién
2a
ham s8 nghich bién trén

khoang (—23;+ooj.
a

trén khoang (700; 7£),

] Math &

3 1
J.:. TRYZ) (redy OF

E
J; e AT
1. 19522%&&9
Ans=
10
T

SO hang khong chira x trong khai trién tuong tng voi gia tri k thoa man
36-3k=0
0<k<18 < k=12.
keN

Vay s6 hang khong chtra x trong khai trién la C;2 =18564.

Cau 28: Pap an A.
2

Tacd I= I[ +2x]dx If dx+2_[xdx F()

-1

=1=4-1+3=6.

Cau 29: Dap an B.

* Néu m=-1 thi ham s8 ¢6 dang y=-2x> —x+4, d0 thi cia n6 la mot parabol
133 e A pa 1~ s o

c6 dinh s Do hé s6 a=-2 <0 nén d6 thi ham s6 c6 bé 16m quay xudng

. SN P . 1) e o a
dwdi, suy ra ham s6 dong bién trén khoang (—oo ; _ZJ va ham s6 nghich bién trén

khoang [—i ;+oo]. Vay véi m =-1 thi ham s6 khong nghich bién trén (—oo; +oo).

*Néu m =1 thi ham s0 tro thanh y =—x+4 ludn nghich bién trén R.
* Néu m=#=1, xét dao ham y'=3(m2 —l)x2 +2(m—-1)x—-1. D& ham s& nghich
bién trén (—oo;+oo) Sy'20VreRe S(m2 —l)x2 +2(m—1)x—12 0,vxeR
3(m2—1)<0 -1<m<1

{ 1<m<1
< =
A'=(m-1) +3(m*~1)<0  [(m-1)(4m+2)<0 —%Smsl

<:>—l§m<1 (do m;til).
2
Vay véi me [—% ;1} thi ham s6 da cho nghich bién trén (—oo;+oo), 6 2 gia tri

me{0;1} théa man,
Cau 30: Pap an D.

(x+2)(x+4) 2

dx 13[(x+4)—(x+2ﬂdx li( 11 jdx

3
Céchl:TacéI =
0( x+2 x+4

=
+
N
~—
—_—
=
+
o
N—
N
O C—y

%lnS—%lrﬂ =aln2+bIln5+cln7.

1

Do a,b,ceQ nén a= ;c:—%. Vay 2a+3b—c:1+%+§:3.

Nlr—‘

Céch 2: St dung MTCT
dx

(x+2)(x+4)

N E_\/E\/g
N7

Tur gia thiét, ta 6 j =aln2+bIn5+cIn7 = 1n(2”.5h.75)

1 1 1

I =22527 2,

dx
— 21 5t 7¢ = o+

Khai bao sach chinh hang tai: congphatoan.com
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STUDY TIPS
+ A(m) Zf(x),Vx eD

= A(m) > mDaxf(x).
+ A(m) Sf(x),Vx eD

= A(m) < mDinf(x).
O bai toan bén, tuy ham s&
f(x) déukhong cé GTLN,
GTNN trén mdi doan
(—oo;l) va (1;+00) nhung
ttr bang bién thién va viéc
xac dinh cac gioi han
fim () =1, lm £(x) =1

ta duwoc f(x) < —1;f(x) >1.

1;b=l;c
2

Do a,b,ceQ nén a=— =—l. Vay 2a+3b—c=1+§+l=3.
2 2 2 2

Cau 31: Pap an C.
. X x-1 Vx? =2x+3+m(x-1)
Xét dao ham y'=1+m. = .
\/x2—2x+3 \/x2—2x+3

Ham s6 dong bién trén R@y’ZO,VxeR@m(x—l)Z— x> =2x+3,VxeR (1)

+N&u x=1 thi (1) tr6 thanh Om>—/2 (ludn dung).

Vx?=2x+3

+Néu x>1 thi (1)<:>m2—
¥ —

,Vxe (1;+oo)

,Vxe (1; +oo) (2)

Vx?=2x+3

1-x
()
- x?—2x+3
Ta co f'(x)z VX~ —2x+3 > = > 2 >O,Vxe(l;+oo).
(1—x) (1—x) Vi =2x+3

Xét ham s6 f(x) = trén (1; +oo).

Bang bién thién:

f(x) +

1
o

—0

Ta co (2) om= f(x),Vx € (1; +oo). Quan sat bang bién thién ta dugc m>-1.

Vx?=2x+3

+Néu x <1 thi (1)<:>m£—
x-1

Vx*=2x+3

1-x

,Vxe (—oo;l)

o m< ,Vxe(—oo;l) (3)

Va?=2x+3

Xét ham sO f(x) = trén (—oo;l).

1-x
Tacd f'(x)z > 2 >0,Vxe(—oo;1). Bang bién thién:
(1-x) Va®—2x+3
X —o0 1

f(x) +

f(x) /+OO
1

Ta co (3) oSm< f(x),Vx € (—00;1). Quan sat bang bién thién, ta dwgc m <1.

Vay véi me[-1;1] thi ham s8 da cho dong bién trén (—o;+0). C6 3 gié tri
me {—1; 0; 1} nguyén thoa man.

Céu 32: Pap an D.

Goi O la giao diém cua AC va BD, tir gia thiét suy ra SO 1 (ABCD).
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STUDY TIPS
Coéng thuc tong quat tinh
dao ham cdp n ctia ham s6
f(x)=sin(ux) la:

() () = 14" o K
f (x)—u .sm[ux+n2j.

Do ABCD la hinh vuéng nén AC = BC = AB\2 =212
= 0A=0B=0C=0D=+2.

Do ASOA vuéng tai O nén SO =+/SA® —0A? :1/(3\/5)2 —(JE)2 =4,
SA> (3*5)2 9

250 24 4
Mot s8 cong thirc tinh ban kinh mat ciu ngoai tiép hinh chép dang dic biét:

Ban kinh mat cau ngoai tiép hinh chép S.ABCD la R=

1. Hinh chép ¢6 cac dinh nhin doan thang ndi hai dinh con lai dudi mot gde vudng:

Goi d 14 d6 dai doan théng d6 thi ban kinh mét cau ngoai tiép hinh chépla R = %

2. Hinh chép déu c6 chiéu cao h, @6 dai canh bén bang k thi ban kinh mat cau ngoai
k2

tiép hinh chép la R=—.

iép hi P o

3. Hinh chép ¢6 canh bén vudng goc voi ddy: Goi h la chiéu cao ctia hinh chép va R,

la ban kinh ctia duong tron ngoai tiép da giac day, khi d6 ban kinh ctia mét cdu ngoai

2
tiép hinh chép la R=,|R} +hz.

4. Hinh chép c6 mét bén vudng goc v6i day: Goi h 1a chiéu cao ciia hinh chép va R, R,
lan lwot 14 ban kinh cta cac duong tron ngoai tiép mat bén (mat bén nay vudng goc

véi day) va mat ddy; giao tuyén ctia hai mit nay c6 d6 dai bang d. Khi d6 ban kinh

" a1 1 f d
clia mdt cau ngoai tiép hinh chép 1a R=,|R’ + R} - T

Cau 33: Dap an D.

Lay diém M, (xo;a"O) nam trén d6 thi ham s y =a* (a >0,a# 1). Goi M, la diém
doi xtng voi M, quan diém I(l;l), suy ra M, (2—x0;2—a"°) va diém M, ludn

thudc 6 thi ham 8 y = g(x).

X, =2-Xx X, =2-x
Taco{ f e M;_x =g(x)=2-a""
yMzzz_gﬂ yMZ=2—a "

Vay 8(2 +log, ﬁ} = g(2-log,2018) =2 —a" BN = g% = o016,

Cau 34: Pap an D.

x>0,y>0 x>0,y>0 [x>0,y>0

Ta ¢ {log8 x+log,y* =5

log, x* +10g y_7<:> %1og2x+log2y:5<:> log,x=6 <<x=64
4 8J —

log,y=3  (y=8

log, x +%10g2 y=7

Vay xy =64.8=512.
Cau 35: Pap an D.

1 1 1
Ta cod y=sin3x.cosx—sin2x = E(sin4x + sian) —sin2x = Esin4x —Esian.

Khi d6 " =%.410.sin[4x+10.g]—%.21°.sin(2x+1O.gj

Khai bao sach chinh hang tai: congphatoan.com
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10 10
=y = %.sin(élx +57) —%.sin(Zx +5m)=-2" sindx +2’ sinx

oy E )= 99 gin 4T 4 0 gin 2T - ﬁ(zw +27) = 454490.
3 3 32

Cau 36: Dap an D.

Cich 1: Xeét khai triéhn (x* ~3x+2) =[2+(x -37) [ = Y2 (- 3x)
k=0

. C e o [oskss
=>Ci2t Y C(x?) (Bx) =D D CiCi2 (-8) 1t voi J0<i<k
k=0 i=0 k=0 i=0 l,k eN

S6 hang chtra x” trong khai trién tuong tng voi cdc gid tri i,k thoa man:

0<k<6 [0<k<6 O<k<6 7 . ¢

O<i<k |0<2k-7<k |Z<k<7
. =9, =42

2k—-i=7 1=2k-7

i,keN 1,keN

k=4;i=1
o1i=2k-7<|k=5;i=3
i=2k-7 |i,keN k=6;i=5
,keN

Vay hé s8 cua s& hang chita x” trong khai trién da cho la:

[+ ]=cici2*(-3) +CoCi2' (-3) + CoC2" (-3) =-5418.

k, =X
k,+k +k,=6 ?
Cach 2: Ta ¢6 hé phuong trinh {22’: 1k+ ek =7-2x = f(X)
+ =
P k=X -1=g(X)
Do k,,k ,k,eN nénti k, +k +k,=6=0<k, <6 hay 0<X<6.

Str dung TABLE nhép vao cac ham sd f(X) =7- 2X,g(X) =X -1 vachon cac gia
tri Start =0,End=6,Step =1.
oo (M) (@ (F 2] e O] E) e O) (=) D (E) (0] E) (6] B (D ()

C] Math [c] Mat [c] Math [C] Math
fra=7-24 alx1=x-1l Start? End?
0 E
Math = Math = Math [£] Math
Step? AR N ) LN - R R
i I A dl | R —?4 a8l F

Quan sat bang gia tri, ta tim dwoc cac gia tri k,,k;,k, €N théa man hé phuong
k,=0;k, =5k, =1

trinh trén la: | k, =1k, =3;k, =2
k, =2k, =1k, =3

Vay hé s6 cua sd hang chiva x” trong khai trién da cho la:

[+ ]= %!!1!20.(—3)5 1 +%:2!.2l.(—3)3 Ly %:3!.22.(—3)1 1’ =-5418.
Céau 37: Dap an C.

* Cac tap S la tap con gom 3 phan tix va c6 tong bang 91 cia A= {1;2; 3;...;100}
duoc xac dinh nhu sau:

+ Tap hop bat dau tlr phan ttr 1 c6 dang {1; a;b} (1 <a< b). Khi d6 a+b=90. Céc

tap hop do 1a {1;2;88},{1;3;87},{1,4;86},...,{1;44;46}. C6 43 tap hop nhu thé.
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+Tap hop bat dau tir phan tir2 c6 dang {2;4;b} (2<a<b). Khi d6 a+b==89. Céc
tap hop d6 1a {2;3;86},{2;4;85},{2;5;84},..,{2;44;45}. C6 42 tap hop nhu thé.
+ Tap hop bat dau tir phan tir 3 c6 dang {3;a;b} (3<a<b). Khidé a+b=88. Cic
tap hop do 1a {3;4;84},{3;5,83},{3;6;82}, .., {3;43;45}. C6 40 tap hop nhu thé.

+ Tap hop bét dau tir phan tir 4 o6 dang {4;4;b} (4<a<b). Khidé a+b=87. Céc
tap hop d6 1a {4;5;82},{4;6;81},{4;7;80},...,{4;43;44}. C6 39 tap hop nhu thé.
+Tap hop bat dau tir phén tir 27 ¢6 dang {27;a;b} (27 <a<b). Khi d6 a+b=64.
Cac tap hop d¢ la {27;28;36},{27;29;35},{27;30;34},{27;31;33}. C6 4 tap hop
nhuw thé.

+ Tap hop bat dau tir phan tir 28 c6 dang {28;a;b} (28 <a<b). Khi d6 a+b=63.
Céc tap hop d6 1a {28;29;34},{28;30;33},{28;31;32}. C6 3 tap hop nhur thé.

+ Tap hop bat dau tir phan tir 29 6 dang {29;4;b} (29 <a<b). Khi d6 a+b=62.
Céc tap hop d6 1a {29;30;32}. C6 dting 1 tip hop nhur vay.

Vay s6 tap hop S théa man 1a: (43+42)+(40+39)+(37+36)+...+(4+3)+1

=85+79+73+..+7+1= (1+825)'15 =645 (tap hop).

* Goi T la tap hop gom tét ca cac tdp con gom 3 phan tt cia A va cac phan ti ctia
T1ap thanh mot cAp s8 nhéan. Tap T duoc xac dinh nhur sau:

+ Néu T c6 dang {L;z;b} (1<a<b) thi T c6 the la: {1,2;4},{1;3;9},{1;4;16},
{1,5;25},{1;6;36},{1,7;49},{1;8;64},{1;9;81},{1;10;100}.

+Néu T c6 dang {2;4;b} (2<a<b) thi T c6 thé 1a: {2;4;8},{2;6;18},{2;8;32},
{2;10;50},{2;12;72},{2;14;98}.

+Néu T 6 dang {3;4;b} (3<a<b) thi T c6 thé la: {3;6;12},{3;9;27},{3;12;48},
{3;15;60}.

+Néu T co dang {4;a;b} (4<a<b) thi Tcd théla: {4;8;16},{4;12;36},{4;16;64/,
{4;20;100}.

+Néu T cé dang {5;a;b) (5<a<b) thi Tcé théla: {5;10;20},{5;15;45},{5;20;80}.
+Néu Tco dang {6;4;b} (6<a<b) thi Tcd théla: {6;12;24},{6;18;48},{4;24;96}.
+Néu T c6 dang {7;a;b} (7<a<b) thi T c6 thé la: {7;14;28},{7;21;63}.
| {82472,

} :
+Néu T c6 dang {8;a;b} (8<a<b) thi T 6 thé1a: {8;16;32},(8;24;72
+Néu T c dang {9;a;b} (9<a<b) thi T 6 théla: {9;18;36},{9;27;81}.

{10;a;b

+Néu T c6 dang {10;4;b} (10<a<b) thi T c6 thé 1a: {10;20;40},{10;30;90}.

Khai bao sach chinh hang tai: congphatoan.com
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STUDY TIPS
Phuong trinh dudng thing
di qua hai diém cuec tri cua
6 thi HS y = ax” +bx+c

mx+n
(a#0,m=0) la:

’

(ax2+bx+c) _2ax+b

y= ’
(mx+n) m

2a b
Sy=—x+—.
m m

+ Tuong t ta im duoc céc tap T: {11;22;44},{11;33;99},{12;24;48},{13;26;52},
{14;28;56},{15;30;60},{16;32; 64}, {17;34; 68} ,{18;36;72} ,{19;38;76},{20; 40,80},
{21;42;84},{22;44;88},{23;46;92},{24;48;96} ,{25;50;100}.

Xét phép thit “Chon ra cac tap S la tdp con gom 3 phan tit cia A sao cho téng cta
3 phan tit d6 bang 91”. Khi d6 s6 phan tit ciia khong gian mau la n(Q) = 645.
Goi A 1a bién c8 “Chon ngau nhién mot phan tir ctia S sao cho cac phan t nay
6 3 s0 lap thanh mét cdp s6 nhan”. Khi d6 cac két qua cua A c6 thé'la {1; 9;81} ,

{7;21;63},{13;26;52}. Suy ra n(A)=3.

Vay xdc sudt can tim la P(A) = =

Y kién ctia tac gia:

- Do thoi gian gap rat va mong mudn dua dén quy doc gia tai liéu mot cach
nhanh nhat, nén tac gia mai chi nghi ra moét cach giai nhu trén. C6 thé nhiéu doc
gia s& cam thdy 10i giai trén dai, tuy nhién néu ndm bat dwoc quy luat ctia bai
toan thi viéc xtt ly s€ tré nén nhanh hon rat nhiéu.

— C6 thé bai toan sé con mot 10i giai khac t6i wu hon, vi vay tac gia rat mong cac

quy doc gia co thé dong gop 1oi giai qua gmail: huyenvu.hnue@gmail.com hodc

namnguyen.nnnl708@gmail.com d€ cung nhau trao ddi va hoc hoi.
Cau 38: Pap an A.
Tap xac dinh: D=R\{1}.

Ta s y— (2x+m)(x—1)—(9§2 +mx+m2) s _Zx_mz_mz
(x—l) (x—l)
hai diém cuc tri < Phuwong trinh x* —2x—m—m” =0 ¢4 hai nghiém phan biét

(1) ~2(-1)-m-m*20 _  -1+\13
A=1+m*+m>0 2

. Ham s6 da cho cé

khac -1< {

Phuong trinh duong thang di qua hai diém cuc tri cia d6 thi ham s§ la
y=2x+m. Gia st A(x,;2x,+m),B(x,;2x,+m) la hai diém cyc tri ctia do thi
ham sg, véi x,,x, la hai nghiém ctua phuwong trinh x* —2x —m—m?* =0.

D& AOB=90° < OA.OB=0 © xx, +(2x, +m)(2x, +m)=0

m=0
<:>5x1x2+2m(x1+x2)+m2=0<:>5(—m2—m)+2m.2+m2:0<:> 1.
m=—=
4
1 1Y 1
Vay S ={_Z;O} va tong binh phuong cac phan tir ctia S la [—Zj +0° 16

Cau 39: Pap an B.

, S B Y
Tt yzx—+1:>y': > ,(x;tl). Goi diém M(xo;x0 j 1a ti€p diém cua tiép
x-1 x—l) o1
~ e A s . 2 x, +1
tuyén d vé6i do thi (C) Phuwong trinh d:yz——z(x—x0)+ :

(xo_l) x,—1
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2 y x2+2x, -1 .
(xo _1)2 (xo _1)2

bé c6 dung hai tiép tuyén cua (C) di qua diém A(a;2)<:> Phuwong trinh

Sy=

2+2x, -1
2o 2 K c6 hai nghiém phan biét x,,x, < Phuong trinh

(xo —1)2 (xo —1)2

x2 —6x,+2a+3=0 c6 hai nghiém phan biét x,x, #1.

2a-2+#0 azxl
= = .
AN'=6-2a>0 a<3

Khi d6 hé s§ goc cua hai tiép tuyén la k =y'(x,)=- 2 — va
(% -1)
, 2
kz =Y (x02)=——2.
(% =1)
. ’ . . x01 + xoz =6

Theo dinh ly Vi-ét ta c6 .

XoyXop =2a+3
Tacd k, +k, +10k’k; =— 22 it 4

(50 -1 (x=1) (3-1)" (5 -1)"
—2[(%1 1Y + (%, —1)2}.[(%1 ~1)(x,, ~1)] +160
[(x =) (e -1)]
) —2[(%1 e, ) =2, 2y, + 2 )+ 2].[x01.x02 (g + %) +1] +160
[ %0 = (i +20 ) 1]

—2[6?-2(2a+3)-2.6+2].(2a+3-6+1) +160 2(a—5)(a—1)’+10

(2a+3-6+1)’ (a-1)’
DE K 4k 410Kk =0 ) (3=5)(a=1)"+5=0 _ [(a=1) ~4(a-1) +5=0
b b ax1 ax1

N
H+
o

@{[(a—l%l}[(a_l)z 5(’11)+5}OQ{Z(!JZ%HH)OC{‘ZO

az1 a1

75

2

D6i chiéu vdi diéu kién ta dwoc S = {0,‘

.

Q‘

Vay tdng gid tri cac phéan ti cia Sla 0+ =

7-J5 7-5
2 2

Cau 40: Pap an C.

Ta ¢ u:xz:u’=2x:>y'=u'.f'(u)=2x.f'(x2)

YA
\ _{x>0
’ 2 0
; Q/A\ + Himss = (<) dongbien <oy <20 ()02| U )
{f’(x2)<0

Khai bao sach chinh hang tai: congphatoan.com
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STUDY TIPS
Toéng s6 do cac goc trong tai
dinh cta mot da giac 16i n
canh (n>3) la (n-2).180
(d9).

x>0
0 x>0 .
x> >
+VOiy L,y e <-1(L)e g ol<x<2.
f(x)>0 les? <4 x<-1
s —2<x<2
0
x<0 =
o x<0 ) -1<x<1 |-1<x<0
+Voiy o, S -l<x <1 =
f(x )<0 x>2 x<-2
x> >4
x<-2

Vay cac khoang dong bién ctia ham s6 1a (—oo; —2),(_1;0),(1; 2).
Cau 41: Pap an B.
=f(0;-2;3)=0-2(-2)+3-1=
Dt f(xy;z)=x-2y+z-1= fa=f(0:-2:3)=0-2(-2)+3-1=6
fy=f(20,1)=2-2.0+1-1=2

= f,.f; =6.2=12>0= Hai diém A,B ndm vé cing mot phia so v6i mit phing
(P). Goi B' la diém d&i xtng véi B qua mat phang (P)

Khi d6 MA+MB=MA+MB' > AB'.

Déu “=" xay ra <>M=M' véi M'= AB'n(P).

x=2+t

Phwong trinh BB':{y = -2t ,(te]R). Goi I=BB’m(P):>I[§ %,%) va I la trung
z=1+t

diém ctia BB'= B’ . é,l .
333

—— (410 8 , .

Ta ¢6 AB'=|Zi—;— |= Duong thing AB' c6 VICP la u=(2;5-4) va
x =2t

phuong trinh AB': y=—2+5t’,(t’eR).
z=3-4t

Do M':AB'm(P):M'(L%AJ Vay M[l 1 1J:>a +b% +c _%

Céau 42: Pap an C.

Bai toan quy vé: “Tinh goc gitta hai mat bén ctia hinh chép tam gidc déu S.ABC”.
bat SA=SB=SC = a,(a > 0). Tong cac goc trong cua ngl giac déu (mot mat hinh

thap nhi dién déu) la 3.180° = 540°. Khi d6 ASB=BSC=CSA =% 540°=108°.

Thé tich khoi tit dién S.ABC duoc tinh theo cac cong thikc sau:

A

4 4

1%

S.ABC

3 3
=%\/l—3cos2 108°+ 2 cos’ 108° =%\/1—3(

3 _ _ 3 3 \/g+l a’
=a_\/1—3.3 V5,245 @ 3+£=“—.£”=( ) (dvtt).
6 8 8 6 8 6 4 24

2 2 _
25ASAB-SASAC-Sin((SAB),(S AC’)) 2.(”’2.51111080) .Sin((SAB),(SAC))
Vs.ape = 35A = .
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f_5+\/g.sin((SA/B),_(%)) (5+\/§)a3 .
-2 8 . sin((s4B),(sAc))
3a 48
1-2sin?18°=co0s36° = sin(3.18°) =3sin18°—4sin’18°

< 4sin®18°—25in’18°-3sin18°+1=0 < (sin18° —1)(4:sir12 18°+2sin18 —1) =0

=sinl8°= -1 z\/g = c0s108° =-sin18° =%.
J5+1)a® 5(\5+1)a I >
Suy ra ( 24) B = ) .sin((SAB),(SAC))@sin((SAB),(SAC)):E.

1

=

Mot 56 cong thirc tinh thé tich tit dién dic biét:

1. Tt dién S.ABC c6 SA=a,SB=b,SC=c va ASB=a,BSC =PB,CSA=¢:

Vay cos((M)) =

a

b
Ve ane :?C\/l—cos2 o —cos” B—cos® ¢+ 2 cos o cos P cos ¢

2. Tit dién ABCD o6 AB=a,CD =b,d(AB,CD)=d va [AB,CD)=« thi

V isen = %ubd sina.
3. Tirdién S.ABC 6 S, =5,,550,c =S, SA=a va ((M)) —a thi
2SS, sina

ape = ™ (Cong thikc thé tich goc nhi dién).

4. Tt dién S.ABC c6 SA=a,5B=b,SC=c va ((SAB),(SAC)| =, ASB =, ASC — ¢

thi V.

__abc . . .
< ABC = ?sm o.sinfB.sing.

V2
BCD 12 *
6. Thé tich tam dién vuéng OABC (t& dién ¢6 cac canh OA, OB, OC d6i mét vudng

5. Thé tich tit dién déu ABCD canh béng ala 'V,

gocvéinhau) la: V.. =

%OA.OB.OC .

7. Tt dién ABCD ¢6 AB=CD=4,BC=AD=b,AC=BD =c thi

Voien = %\/@2 +0* 4+ (b +¢* —a’)(a® +¢* —b*) (Thétich tw dién gan deu),
Cau 43: Pap an C.

T gia thiét, ta c6 4=2"+4"+8°=2"+2%" +2%. Dit 2°=x,2" =y,2* =z voi
x,¥,z21do a,b,c20.

Khid6 a+b+c=4 va S=a+2b+3c=log, x+log, y+log, =log2(xyz).

Bai toan quy vé: “Cho cac s thuc x,y,z>1 thoa man x+y+z=4. Goi M,m lan
luot 1a gid trj 16n nhat va gi4 tri nho nhét ctia bidu thire S =log, (xyz). Tinh gia

7

tri ciia biéu thiee 4" +log,, m”.
3 3
* Ap dung BDT Cauchy cho cac s§ duong ta c: xyz < {%j = (%] = %

Khai bao sach chinh hang tai: congphatoan.com
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Défu “u_ny Xéy ra khi va chi khi x= y=z =%, Khi d6 S= IOg2 (xyZ) < 10g2 [%j

*Do x,y,z21va x+y+z=4 nén 1<x,y,z<2.

Tacé 0<(x—1)(y-1)=xy—(x+y)+1xy2x+y-1=3-z<xyz22(3-z2).
Xétham s8 f(z)=-z"+3z trén [1;2]. Taco f'(z):—22+3;f'(z):0<:>z:%.
Bang bién thién:
z |1 SA 2
f(2)

+ 0 —
9
f(Z) 2/ 4\2

Tir bang bién thién suy ra f(z)>2. Vay xyz> f(z) >2.

LT YTYT Khidé S=log, (xyz)2log, 2=1.

Déu “=" xay ra khi va chi khi
z=2x+y=2

64 s 51] 4096
Vay M =log,| — |, m=1=4" +1 =4 ="
Wy A=08 ( 27} " OB ™ 729
Cau 44: Dap an C.
Ta c6 SA L(ABCD)= A 1a hinh chiéu cta S trén mit phang (ABCD)=> AC la
hinh chiéu ctia SC trén mat phang (ABCD).
Suy ra (m)) = (SETC) = S/Cjﬁl =60°.

Lai c6 CB L AB,CB L SA=>CB L(SAB)=> B la hinh chiéu ctia C trén mit phang

—

(SAB)= (m)) ~(SC,5B)=BSC=a va sina 3
4

Dt BC=b,(b>0).

BC _4b
sinoc_\/g'
Vai +b*

=2a* +b2.
cos60°

Do ASBC vuéng tai B nén BC =SC.sin BSC = SC =

Do ASAC vuong tai Anén AC =S5C.cosSCA=>SC =
Suy ra 4Tb:2\/a2 +b* < 4b :B(az +b2)<::>b2 =3a% < b=1/3a.
3

= BC =+/32=> AC =2a=> SA = AC.tanSCA = 2a.tan 60° = 2+/3a.

Vay thé tich khdi chop S.ABCD1a V,

BCD —

%SA.SABCD = %.2\/561.{1.\/3{1 =2a° (dvtt).

Cau 45: Pap an B.

Quan sat do thi ta thay:

+ D0 thi c6 dang M nén hé sd a2 <0. Loai phuong an C.

+ D06 thi cit truc Oy tai diém c6 tung d6 am nén d <0.

+ P06 thi ham s c6 hai diém cuc tri ¢ hoanh d6 trai dau nén phuwong trinh
y'=3ax’ +2bx +c =0 c¢6 hai nghiém trdi ddu < 3ac<0 < ac<0< c>0 do a<O0.

Loai phuong an D.
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+ Nhén thay hai diém cuc tri x,,x, cia ham s thoa man x, <0<x, va |xl| < |x2|

nén x1+x2>0©—§—b>0©ab<0<:>b>0 do a<0. Loai phwong an A.
a

Cau 46: Dap an A.
bat BC=a,AC=b,AB=c va AA'=h v6i a,b,c,h>0.

9

a==
ah=9 ils 9 18 10 37
Tt gia thiét, tacod {bh=18 & b=—=a+b+c=—+—+—=—.
10 h W h h h

= 10

c=—

h

_a+b+c_37

Ntta chu vi ciia AABC la p= =25

Dién tich AABC la S=\/p(p—a)(p—b)(p—c)

G- [37(37_9)(37_18)(37 10)_ [37 19 1 17 1191
28\ 28 w)\ 2k Kk J\2h R 2h 2h 2k 2k an®

V11951

o

V11951
1

4 16h* =411951 < h=

Y11

Vay thé tich hinh lang trula V =Sh= 4.% =311951 (dvtt).

T gia thiétta cd S=4 <

Cau 47: Pap an A.
Mit cau (S):x* +y* +(z-1) =1 c6 tam 1(0;0;1), bankinh R=1.
Chon diém G sao cho GA+GB+GC=0=G la trong tdm ciia AABC va
G(0;0;3).

—_— —\2 —_— ——\2 —_— ——\2
Tacé MA®+MB® + MC* =(MG+GA) +(MG +GB) +(MG+GC)
=3MG” +2MG(GA +GB+GC|+GA + GB* + GC* =3MG’ + GA® + GB® + GC™.
Dé MA? + MB* + MC® nho nhat < MG nho nhat, ma Me(S) nén M la giao
diém ctia duong thang IG véi mit cau (S) (M nam gifta I va G).

Ta ¢6 IG =(0;0;2): Duong th:fmg IG ¢6 VTCP la ;t=(0,'0;1) va phuong trinh

x=0
du"o*ngthéng IG:yy=0 . Do MeIG:>M(0;O;1+t).
z=1+t
. . M, (0;0;0)
Ma Me(S)=F =1lat=+1= :
MZ(O;O;Z)

Do M ndm gitta I va Gnén M =M, (0;0;2). Vay MA=+1* +1* 2.
Cau 48: Dap an C.
_ xcosx—sinx

Ta co jf(x)dsz(x):F’(x)zf(x) 5

X
Xét ham s8 y =F(x) trén (0;2018r).

Khai bao sach chinh hang tai: congphatoan.com
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Ta cod F’(x)zM;F'(x)zO@xcosx—sinx=0,xe(0;2018n).
x
Xét ham s g(x):xcosx—sinx trén (0;2018n).

x=0¢(0;2018r)

Co g'(x)= COSX —XxSinx —cosx =—xsinx;g'(x) =0
sinx =0

< x=kn,(keZ). Do x&(0;2018n) nén 0<kn <2018 <> 0<k<2018, ma keZ
nén ke{1;2;...;2017}:>xe{n;2n;...;2017}.

Tir bang bién thién, ta thdy dd thi ham s§ g(x) cat truc hoanh tai 2017 diém
X € (rc;ZTc),x2 e (2n;3n),...,x2017 IS (20177:; 201875) nén phuong trinh g(x) =0 b
2017 nghiém.

Lai co F’(x) = g(x) xe (O; 20187:) va ham s6 g(x) ddi dau lién tuc tir am sang

2 7/
X

duwong va tir dwong sang am khi x di qua cac diém x,,x,,...,x,,,,. Khi do F '(x)

cling d6i ddu lién tuc khi x di qua cac diém x,,x,, ..., x,,,,
Vay hamsd y = F(x) €6 2017 diém cuc tri trén khoang (0;2018n).
Cau 49: Pap an B.

{fz(x)—zﬁ f(x)sin{x—gﬂdx:

Ta co

[fz (x)—2f(x).(sinx—cosx)}dx

St— s
St—a

. 2
(smx - cosx) dx

O N [ 3

[fz (x)—2f(x)(sinx—cosx)+(sinx—cosx)1dx—

Ot

[f(x) - (sinx - COSX)]2 dx - (1 - sian)dx

x
2

[ ()~ (sinx—cosx) dx—(x+%c:052x}

0

[f(x)—(Sinx—cosx)]2 dr— ﬂ;Z

O V| 3 Ol N 2 O3 O3

Tl gia thiét f[fz (x)—2\/§f(x)sin(x_gﬂdx - 2;“

-2 2-=

[f(x)—(sinx—cosx)]2 dx_nTz ;

=

Sty

= [f(x)—(sinx—cosxﬂ2 dx =0.

O | 3
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smx cos x)dx 0.

o'—.N\:

Suy ra f(x)=sinx—cosx. Vay i
0

Cau 50: Dap an A.
Goi H la trong tam ctia ABCD, do ABCD la t dién déu nén AH 1 (BCD) va

1y AB6 2246 43

3 3 3
Goi O Ia trung diém ctia BC, do ABCD déu nén DO = Bcﬁ _ zJEZ.JE _ 6.
Gén hé truc toa d6 Oxyz nhw hinh vé véi O(O;O;O),A(O £ i) B(—\/E,' 0;0),

C(\/E;O;O),D(O;\/E;O).
Ta c6 G la trong tam cua tie dién ABCD nén G{ \ég ,?SJ

J2 6 2\/5}

Lai c¢6 M la trung diém ctia AB nén M {—T —

Ta ¢ BG = [f V6 IJ CM = [ 3[ 6.2 T\/_J,BM:LQ;ﬁ;QJ

276

ﬁ,m}m\ )

(oo

Vay d(BG;CM)= ‘[

— V6i mong mudn mang tai li¢u dén véi quy doc gia mot cdch nhanh\
chéng, trong qud trinh gidi mgt s6'cdu cé thé trinh bay dai dong hodc
xay ra sai sot, ddy déu la nhirng diéu ma tic gid khong mudn cé. Vi
vdy, rdt mong quy déc gia co thé dong gop vé hom thw

huyenvu.hnue@gmail.com hoac namnguyen.nnnl708@gmail.com

dé’tai lieu dweoc hoan thién hon.

— Néu cam thdy chuwa tw tin khi luyén dé, cdc dg gia cd thé tham khdo
cudn Coéng Phd Dé 2018 do tic gid Ngoc Huyén LB cung 6 thidy co
trong tinh Ninh Binh bién soan. Doc thir tai: http://bit.ly/2Fxcqli /

Khai bao sach chinh hang tai: congphatoan.com
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