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NGUYEN HAM
1. Pinh nghia
Cho ham s6 f(x) xac dinh trén khoang K . Ham s§ F(x) dugc goi 14 nguyén ham
cua ham s6 f(x) néu F'(x)= f(x) v6imoi x €K .
Nhén xét. Néu F(x) 1a mot nguyén ham caa f(x) thi F(x)+C, (C€R) cang la

nguyén ham cua f(x).
Ky higu: ff(x)dx =F(x)+C|.
2. Tinh chat

o ([ Fx)ax) = f(x).

= fa.f(x)dx:a.ff(x)dx (aER, azO).

o [IrwEg@fix = [ £lx)dr [g(x)ds

3. Bang nguyén ham ctia mét s6 ham s6 thudng gap

Bang nguyén ham
fkdx:kx+C, % 1a hing s6
xu+1 “ 1 (ax+b)u+l
“dx = C -1 -\ 7]
Jrde="tC(a=m) Jlax+b) ar == e
1 1 1
—dx =1 dx=—1In b
fx n|x|+C fax—l—b a |ax+ |+C
fexdx:ex+c f ux+bdx 1 ux+b+c
a
ax amx+n
xd — C mx+ndx_ C
fa * Ina+ f mlna+
fcosxdx:sinx+C fcos(ax+b)dx:lsin(aerb)JrC
a
fsinxdx:fcostrC fsm (ax +b)dx :—lcos(ax—&-b)—&-C
a
f ! dx=tanx+C f :ltan(ax—i-b) C
cos® x cos® ax+b a
1 1
dx = —cot C = ——cot b)+C
fsinzx cotx+ fsm ax+b aco (ax +8)+
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CAU HOI & BAI TAP TRAC NGHIEM 12

NGUYEN PHU KHANH - HUYNH DUC KHANH

FILE WORD

Khi mua c6 san file word dé riéng;

file word dap an riéng thuan tién cho viéc day

Cau 1. Ham s6 f(x) c6 nguyén ham trén K néu:
A. f(x) xac dinh trén K . B. f(x) c6 gia tri 16n nhét trén K .
C. f(x) c6 gia tri nho nhat trén K. D. f(x) lién tuc trén K .
Loi giai. Néu ham s6 f(x) lién tuc trén K thiné c6 nguyén ham trén X .
Chon D.
Cau 2. Ménh dé nao sau day 1a sai?
A.Néu F(x) la mot nguyén ham bét ky ciia f(x) trén (a;6) thi
[ f(x)dx=F(x)+C véi C 1a hiing 5.
B. Moi ham s6 lién tuc trén khoang (4;6) déu c6 nguyén ham trén khoang (4;5).

C. F(x) 1a mot nguyén ham caa f(x) trén (a;6)< f/(x)=F(x), Vx €(a;0).

D. ([ f(x)dx) = f(x).
L&i giai. Chon C. Stia lai cho ding la:
" F(x) 1a mot nguyén ham ctia f(x) trén (a;6) & F/(x)= f(x), Vx €(a;0)".
Cau 3. Xét hai khing dinh sau:

1) Moi ham s§ f(x) lién tuc trén doan [4;5] déu c6 dao ham trén doan do.

2) Moi ham s f(x) lién tuc trén doan [a;b] déu c6 nguyén ham trén doan do.
Trong hai khéng dinh trén:

A. Chi c6 1) dtng. B. Chi c¢6 2) ding. C. Ca hai déu ding. D. Ca hai déu sai.
Lai giai. Ham s6 ¢6 dao ham tai x, thi lién tuc tai x,. Nguge lai ham s6 lién tuc tai
x, thi chua chic da c6 dao ham tai x,. Ching han xét ham s8 f(x)=|r| tai diém
x=0.Chon B.

Cau 4. Trong cac khing dinh sau néi vé nguyén ham cta mot ham s§ f (x) xac dinh
trén khoang D, khing dinh nao 14 sai?

1) F(x) la nguyén ham cta f(x) trén D néu va chi néu F'(x)= f(x),Vx €D.

2) Néu f(x) lién tuc trén D thi f(x) c6 nguyén ham trén D.

3) Hai nguyén ham trén D cta cing mot ham s6 thi sai khac nhau mét hang sd.

A. Khéng dinh 1) sai. B. Khing dinh 2) sai.

C. Khéng dinh 3) sai. D. Khong c6 khéng dinh nao sai.
L&i giai. Chon D.



Cau 5. Gia st F(x) la mot nguyén ham cta ham s§ f(x) trén khoang (a;6). Gia su
G(x) cting 1a mot nguyén ham caa f(x) trén khoang (¢;6). Ménh dé nao sau day la

ding?
F(x)=G(x) trén khoang (a;b).
G(x)=F(x)—C trén khoang (a;b), véi C 1a hing s.
F(x)=G(x)+C v6i moi x thudc giao cua hai mién xac dinh F(x) va G(x),

C 1a hing s6.

D. C4 ba cau trén déu sai.
L&i giai. Vi hai nguyén ham trén D cta cing mot ham s6 thi sai khac nhau mot
hang s6. Do d6 B ding. Chon B.

Cau 6. Xét hai khéng dinh sau:

1) f[f +g(x ff dx—i—fg x)dx = F(x)+G(x)+C, trong d6 F(x) va
G(x) tuong tng 1a nguyén ham cua f(x), g(x).

2) Méi nguyén ham a.f(x) (a=0) la tich cia a v6i mdt nguyén ham caa f(x).
Trong hai khéng dinh trén:

A. Chi c6 1) ding. B. Chi c6 2) dung.

C. Ca hai déu ding. D. Ca hai déu sai.
Loi giai. Chon C.
Cau 7. Khing dinh nao sau day la sai?

A.Néu [ f(x)dx=F(x)+C thi [ f(u)du="F(u)+C.

B. f/ef x dx:kff(x)dx (k 12 hing s6va k=0).

C.Néu F(x) va G( ) déu la nguyén ham cta ham s6 f(x) thi F(x)=G(x).

D. [[fi(x)+ £ (x)dx = [ £(x)dx+ [ £ (x)

Loi giai. Cac nguyén ham sai khac nhau hing s6 nén C 1a dap an sai. Chon C.
Cau 8. Trong cac khang dinh sau, khing dinh nao sai?

A dex:c (C 1a hing s6). B. fldx:1n|x|+c (C 1a hing s6).
pa

Cfadx—

L&i giai. Chon C. Vi két qua nay khéng ding véi trusng hop o =—1.
Cau 9. Ham s f(x)=

a+l

- +C (C 12 hing s6). D. fdx:x+C (C 14 hing s6).

c6 nguyén ham trén khoang nao véi cac khoang da cho

cosx
sau day?
A. (O;7r). B. [—E;E]. C. (7T;27T). —E;E
2°2 2°2

Loi giai. Ham s§ f(x) = xac dinh va lién tuc trén [fg,%] nén cé nguyén ham

0S X

trén khoang nay. Chon B.
Cau 10. Ki hi¢u F(y) 1a mot nguyén ham ciia ham s§ f(y), biét F(y)=x"+xy+C.

Hoéi ham s6 f(y) 1a ham s nao trong cac ham s¢ sau?
A f(y)==x. B. f(y)=3x+y. C. f(y)=y. D. f(y)=2x+y.
Loi giai. Dé tim f(y) ta di 14y dao ham ctia F(y) theo bién y (tdc la bay gio x

déng vai tro 1a tham so).



Tacé F'(y)=x.Chon A.
Cau 11. Ki higu F(x) 1a mot nguyén ham cta ham s f(x) va F(sin’ x) xac dinh thi
F(sin® x) 1a mot nguyén ham ctia ham s6 nao trong cac ham s& sau?

A. f(sin2 x) B. f(cos2 x) C. 2sin xf(sin2 x) D. sianf(sin2 x)
Li giai. Theo dinh nghta, ta ¢6 [ f(x)dx =F(x)+C e F'(x) = f(x).
Ap dung: [F (sin’ x)| =(sin’ x)| F/ (sin’ ) = sin2x.f (sin’ x) . Chon D.

Cau 12. Xéc dinh [ f(x)dx biét f(x)=2x+1.

A [(x+1)dr=2. B. [(2x+1)dx=C.
C. [(2x+1)dx=4"+x. D. [(2x+1)dr=x"+x+C.
Loi giai. Chon D.
Cau 13. Ham s8 nao sau day khong phai 1a nguyén ham cua ham s§ f(x)=(x— 3)4?

A. F(x):@er. B. F(x):ﬂ.

C. F@):@How. D. F(x)= -1.

Ldi giai. Xét dap an A, ta c6 F'(x)=(x—3)" +1= f(x). Chon A.
Cach tric nghiém. Ta thay ham s6 F(x) & cac dap an B, C, D sai khac nhau hing

s6 nén dung phuong phap loai suy, ta chon duge duge dap an A.
Cau 14. Ki hiéu F(x) 1a mot nguyén ham ctia ham s6 f(x)= (xz +1)2 va F(1)= %

Khéng dinh nao sau day la dung?

5 3 5 3
A. F(x):%+%+x. B. F(x):x?+%+x+0
2 % 2x°
C. F(x):4x(x +1). D. F(x)z?—l—T—i—x—H.
X 2%

[P . 2 2 _ 4 2 _
Loi giai. Ta c6 f(x +l) dx—f(x +2x +1)dx—?+T+x+C.
ﬁ_,l+g+1+C:§—>C:O.Ch9nA.
15 5 3 15

Cau 15. Tim ham s6 F(x) biét F'(x)=3x>+2x+1 va d6 thi ham s§ y=F(x) cit

Theo gia thiét F(1)=

truc tung tai diém c6 tung do bing e .
A. F(x)=x"+x+e. B. F(x)=cos2x+e—1.
C. F(x):x3+x2+x+1. D. F(x):x3+x2+x+e.
Loi gidi. Taco F(x)= [(3x* +2x+1)dx =" + 2" +x+C.
D6 thi y = F(x) cat truc tung tai diém c6 tung do bing e néntacé F(0)=e« C=e.
Vay F(x)=x"+x"+x+e. ChonD.
Cau 16. Ki hiéu F(x) la mot nguyén ham ctua ham s6 f(x)=4x—1. D5 thi ham s6

y=F(x) va d6 thi ham s§ y= f(x) cit nhau tai mét diém thudc truc tung. Toa do

é;8].
2

2 =R . A . N A~ A N
cac diém chung ctia hai d6 thi ham s6 trén la:

A. (0;—-1). B. [5;9]. C. (0;-1) va

%;9]. D. (0;-1) va




Loi gidi. Taco F(x)= [(4x—1)dr=2%" —x+C.
Gia st M (0;m)€ Oy la giao diém ctia db thi hai ham s§ F(x) va f(x).

o . M e f(x) 40-1=m
Ta c6 hé phuong trinh & &

m=—1 5
5 :F(x):Zx —x—1.
MEF(x) 200-04+C=m c=-1

Hoanh d¢ giao diém ctia 6 thi hai ham s§ F(x) va f(x) 1a nghiém ctia phuong trinh:
x=0=y=-1
2x* —x—1=4x—-1 (:)x(foS):O(:)

5 .
x=—=>y=9
2 y

Vay toa d6 cac diém can tim 1a (0;—1) va

§;9]. Chon C.
2

Cau 17. Biét ring F(x):ax3 +(a+b)x2 +(2a—b+c)x+1 1a mot nguyén ham caa
f(x)=3x"+6x+2. Tinh téng S=a+b+c.
A. §=5. B. s=4. C. §=3. D. §=2.
Loi giai. Ta ¢6 f(3x2+6x+2)dx:x3+3x2+2x+C.
Suy ra F(x):x3+3x2+2x+1.
a=1 a=1
Déng nhat ta duge {a+b=23 &1b=2——a+b+c=5.ChgonA.
2a—b+c=2 c=2

Cau 18. (Dﬁ THU NGHIEM 2016 - 2017) Biét F(x) 12 mot nguyén ham ctia ham

s6 f(x):ﬁ va F(2)=1. Tinh F(3).

A. F(3)=In2-1. B. F(3)=In2+1. C. F(3)=

N | —

Loi gidi. Tacs [ % —In|x—1|+C.
Theo gia thiét F(2)=1——In[2—1+C=1&C=1.
Suy ra F(x)=In|x—1|+1——F(3)=In2+1. Chon B.

Cau 19. Cho ham s6 y = f(x) ¢6 daoham f'(x)= o va f(1)=1.Tinh f(5).
Y

A. f(5)=In2.  B. f(5)=In3. C. f(5)=ln2+1.  D. f(5)=In3+1.
Loi gidi. Ta c6 f(x):ff’(x)dx:f%:%lnpx—lh-c
e

Theo gia thiét f(l):1—>%1n|2.1—1|+C=1@C:l.

Suy ra f(x):%ln|2x71|+1ﬁ>f(5):%1n|2.571|+1:%1n9+1:1n3+1. Chon D.

C4au 20. Tim ham s§ f(x) thoa mén dong thoi f’(x):zx_i_l3 va f(0)=1.
x
A. f(x)=x"+In|x+1]. B. f(x)=2x+In]2x+1]-1.
C. f(x)=2x+In|x+1]+1. D. f(x)=x+In|x+1+1.

2x+3
x+1

Loi giai. Ta c6 f dx:f[2+%+l]dx:2x+ln|x+l|+c
Theo gia thiét f(0)=1——2.0+n[0+1+C=1=C=1.

Suy ra f(x)=2x+In|x+1/+1. Chon C.



Cau 21. Goi F(x) la mot nguyén ham cta ham s6 f(x)=

x+2
F(-1 ):% Tinh F(2).
A. F(2)=2+In2. B. F(2)=2(1-In2).
C. F(2)=2(1+In2). D. F(2)=4.
2 2
Lo gidh, Ta o U _x'+ 20l x(x+2)+1 1
x+2 x+2 x+2 x+2

(x+1) [ 1 ] N
— [E = | xb o fdx ==+ Infx 42|+ C.

x+2
o 1 (1) 1
Theo gia thiét F(fl):5ﬁ>7+ln|fl+2|+C:5@C:O.

2
Suy ra F(x)=%+1n|x+2|—>F(2)= 2+41In4=2(14+1n2). Chon C.

Cau 22. Ham s6 nao sau day 1a nguyén mot ham cua ham s6 f(x)=

> 3x 3(x—1)"
A Flx)=2 -2 1 — B. F(x)=
2 3x 11 3(x—1)
C.Flx)=2 -2~ D. F(x)=
(x) 4 2 ¥ 2% (x) 4x
713 3 a.2 N
Lasi gidi. Ta c6 [ (xzxz) dr= [ %dx
2
—f[——— ——L]dx:x——3—x+—1n|x|+ +C.
2 2 2x 247 4 2
2
Chon C:0—>F(x):%—37x+ In|x |+— Chon A.

(erl)2

xfl)3

2x*

va théa man

?

Cau 23. Biét F(x) la nguyén ham cta ham s6 f(x)=4x’ ,%+3x va thoa man
x

5F(1)+ F(2)=43. Tinh F(2).

151

A F(2)=21 i

2
N ) 5 1 s, 1 3,
L&i giai. Ta c6 F(x):f 4x° ——+3x|dx =x +—+Ex +C.

x

Theo gia thiét 5F(1)+F(2)—43ﬁ>5[;+C]+425+C Bec=1

3

B. F(2)=23. C. F(2)=2, D. F(2)=2

Suy ra F(x)=x* —&—l—l——xZ -r%—>F(2)=24 +%+5.22 +%:23. Chon B.
pa

Cau 24. Ham s3 nao sau day la mot nguyén ham ctia ham s6 f(x)=

A. F(x)=—In|x|—In|x-1|. B. F(x)=In|x|—In|x-1|.

C. F(x):—ln|x|+1n|x—1|. D. F(x):ln|x|+1n|x—1|.
N , 1 1 __l 1
Loi giai. Ta c6 xZ—x_x(x—l)_ x+x—1

"f[lex]d"_f[ i xlfl x =—In|x|+In|x—1+C. Chon C.

—X



Cau 25. Goi F(x) 1a mot nguyén ham cta ham s6 f(x) :ﬁ va théa méan
x* —3x

3

F 5]_0' Tinh F(3).

A. F(3)=m2. B. F(3)=2ln2.  C. F(3)=—2In2. D. F(3)=—In2.
1 1 1 1

x*—3x+2 :(xfl)(fo):_xfl—Ffo

1 ]dx—f[L+ lz]dx—ln|xl|+ln|x2|+C.

¥ —3x+2 x—1 x

L&i giai. Ta c6

J

Theo gia thiét F %]:O—>—1n%—1‘+1n%—2‘+€=0(:>€:0.
Suy ra F(x)=—In|x—1|+In|x—2|—— F(3)=—In2. Chon D.

2 2. 58 00 x+3
Cau 26. X4c dinh ff(x)dx biét f(x):m.

A. [ f(x)dr=2m|x+2|~In|x+1+C. B. [ f(x)dx=2In|x+1-In|x+2[+C.
C. [ f(x)dr=2mn|x+1|+In|x+2+C. D. [ f(x)dx =In|x+1/+2In|x+2+C.
x+3 x+3 2

1
Léi gidi. Ta c6 _ _ _
1 gal taco x*+3x+2 (x+l)(x+2) x+1 x+2

[ xS dx—f[ 21 ]dx—21n|x+1|1n|x+2|+c. Chon B.

x°+3x+2 x+1 x+2

Cau 27. Cho ham s6 f(x) c6 dao ham f'(x)= 2 ~— L -~ va théa f(2):—l-
(2x—1)" (x-1) 3

Biét phuong trinh f(x)=—1 ¢6 nghiém duy nhét x = x,. Tinh 7 =2017".

A. T =2017. B.T=1. C. T =+2017. D. T =2017°.
2 1 1 1
L&i giai. Ta cé "(x)dx = — dx = — C.
i giai. Ta c6 ff(x) f(fol)z = r=—— 2x71+
Theo gia thiét f(2):—l—>l—l+C=—l<:>C=—1.
3 1 3 3
Suy ra f(x):;fl.

(x — 1)(2x — 1)

Suyra f(x)=-1¢ ~1=—-1©x=0=x,——T =2017" =1. Chon B.

. x*
(x—l)(Zx—l)
Cau 28. Tim mot nguyén ham F(x) cua ham s§ f(x).g(x), biét ff(x)dx =x+C,

2

fg(x)dx:%+c va F(2)=5.

2 2 3 3
A.F(x)=%+4.B.F(x)=%+s. c.F(x)=%+s. D.F(x):%—i—&

2

Loi giai. Ta c6 ff(x)dx:x+Cﬁ>f(x):l va fg(x)dxz%+C—>g(x):%x.
Khi d6 ff(x).g(x)dx:f%xdxzixz+C.
Theo gia thiét F(Z):Sﬁ%.ZZ +C=56C=4

2
Suy ra F(x)= %—1—4. Chon A.



Cau 29. Cho I = f o %dx . Ménh d& nao sau day la sai?
X

A I=2"4yc. B.I=2""4+c. C. 1:2(2ﬁ+1)+c. D. 1:2(24?—1)+c.

Loi gidi. Tac6 (27 +¢) = (27) =(Vx) 2" m2= L 2F 2227192 Chon A.

2Jx Jx
Cach tric nghiém. Ta thidy cac dap an B, C, D sai khac nhau nén hing s6 nén dé
dang nhan ra dap an A 1a khong thoa méan.
Cau 30. Tim gia tri ctia cAc tham s8 @, b, ¢ dé ham s& F(x)= (ax2 +bx +c)\/2x—3 v6i

27
x>E 14 mot nguyén ham ctia ham s6 f(x):M
2 \V2x -3
A a=4,b=2c=1. B.a=4b=-2c=-1.
C.a=4,b=-2, c=1. D.a=4, 6=2, c=-1.

Loi giai. Theo bairatacé F'(x)= f(x). (*)
(axz +bx+6) B Sax* +(3b—6a)x —3b+c

Tacé F'(x)=(2ax+b)\2x—3 +
(x) (ax ) ¥ \V2x—3 NV2x—3

5a=20 a=4
Dé (*) xdy ra < {3b—6a=-30< {b=-2. Chon C.
c—=3b=17 c=1

Cau 31. Néu ff(x)dx = l+Inx +C thi f(x) 1a ham s6 nao trong cac ham s6 sau?
x

A f(x)=vx+nx+C. B. f(x):—x/;—i—%—i—c.

C. f(x):—%—l—lnx—i—C. D. f(x):x_z1

X

Li gidi. Theo dinh nghta [ f(x)dx = F (x)—— F/ (x) = f(x).

/
T B R
X X X

Do d6 ham s6 can tim f(x):[lJrInerC
x

Cau 32. Cho F(x) la mot nguyén ham ctia ham s6 f(x)=e va théa man F(0)=1.

Ménh dé nio sau day la ding?

A. F(x):%e“—l—l. B. F(x):%e“.
1 2 1 4
C. F(x)==e*+=. D. F(x)=—=¢* +2=.
(x) B +3 (x) 3¢ +3

Loi giai. Ta ¢6 f ¢*dy = %e“ +C.

Theo gia thiét F(O)zl—%—i—C:l@C:%.

Suy ra F(x)= %e“ +§. Chon C.

Cau 33. Biét F(x) 1a mot nguyén ham ctia ham s6 f(x)=e™"' va théa F(0) =§~
Tinh In*[3F(1)].

A. In’[3F (1)|=64. B. In’[3F (1)]=-8.
C. In’[3F (1)|=8l. D. In’[3F (1)|=27.

Lai giai. Taco [¢*'dx = %esm iC.



Theo gia thiét F(O):g%ngC:g@C:O.

Suy ra F(x)= %e““ ——In’[3F(1)|=1n"|3 =64. Chon A.

Céu 34. Tim nguyén ham ctia ham s f(x)=¢".""
A. fex.ejwrldx_ex €X+I+C. B f x+1dx 1 2x+I+C.
C. fe".e’“dx =2¢7"1 4 C. D. fe e Mdy = e"+1 +e* +C.

Loi giai. Ta ¢6 f e dx = f ¢y = %e““ +C.ChonB.

Cau 35. Tim nguyén ham F(x) cua ham f(x)=2".

1 4*
A. F(x)= B. F C.
6= Fma () =taa ™
C. F(x)=4"In4+C. D. F(x)=4"+C.
4)(
L\- a"r-.T 2 2x — x — . h B.
oi giai. Ta c6 f2 dx f4 dx 1n4+C Chon

Cau 36. Ham s6 F(x)= ¢ +2018 1a mdt nguyén ham ctia ham s6 nao trong cAc ham

sO sau day?

3

A f(x)= e B. f(x)= 3x%e”. C. flx ):3; D. f(x)= Xt
Loi giai. Ham s6 F(x) 1a mot nguyén ham ctua ham s§ f(x)«—— F'(x)= f(x).

Suy ra ham sg can tim f(x)= (e"z +2018)/ = (e"z )/ = (x3 )/ & =3x¢". Chon B.
3

A N ~ X N A A N 5 N NS 2 N ~
Cau 37. Ham s0 F(x) :?—i-e" 1a mot nguyén ham cua ham s6 nao trong cac ham so6

sau day?
A. f(x):x?+e’.B. f(x):3x2+e". C. fx ):—2+e D. f(x):xz—i—e".

Loi giai. Ham s8 F(x) 1a mot nguyén ham cua ham s§ f(x)—— F'(x)= f(x).

3 /
Suy ra ham s6 can tim f(x)= X +e"] =x’>+4¢". Chon D.

3

Cau 38. Biét F(x) la mot nguyén ham ctua ham s6 f(x)= (2 +e* )2 thoa F(0)=

N | w

Tinh F [l]
3

A F[l]:ez+86+8. B F[l}_ez+6e+6.
"3 6 T3 8

C F[l]_ez—6e+6. D F[l]_ez—Se—l—S.
T 3) 8 T 3) 6

Loi giai. Ta c6 f<2+e3" )de :f(4+4e3x +e Jdx :%e"” +§e3* +4x+4C..

Theo gia thiét F(O):%—>%+§+C :%

& C=0.



Suy ra F(x):%e“ +§e3" +4xﬁ>F[§]:éez +%e +§ :MTEJFS. Chon A.
Cau 39. Tim mot nguyén ham F(x) cia ham s6 f(x)=¢ " (26" —H) , bigt F(0)=1.
A. F(x)=2x+e". B. F(x)=2x—e " +2.
C. F(x)=2+¢". D. F(x)=2x—¢ " +1.

Loi giai. Ta c6 f e (2¢" +1)dr = f (2+e " Jx=2x—¢"+C.

Theo gia thiét F(0)=1———-1+C=1&C=2.

Suyra F(x)=2x—¢ *+2. Chon B.

Cau 40. Gia st F(x) :(ax2 +bx+c)e" la mot nguyén ham ctua ham s6 f(x)=x"¢".

Tinh tich P = abc.

A P=1. B. P=-4. C. P=-5. D. P=-3.

Loi gidi.

Taco F/(x)= (ax2 +bx+c)/ € +(ax2 +bx+c).(e" )/ :[ax2 +(2a+b)x+b+c]e".

Vi F(x) 1a mot nguyén ham cta f(x) néntacoé F’ (x):f(x),Vx.

Do d6 [ax2 +(2a+b)x+b+c].ex =x’e" o ax’ +(2a+b)x+b+c:x2.
a=1 a=1

Déng nhat hé s6 hai vé, ta duge {2a+b=0< {b=—-2——P=abc =—4. Chon B.
b+c=0 c=2

Cau 41. Gia st ham s6 f(x)= (ax2 +bx + c).e”‘ 13 moét nguyén ham cia ham s&
g(x)=x(1—x)e ™. Tinh tong S=a+b+c.
A S5=-2. B.5=4. C.S5=1. D. §=3.
Loi gidi. Tacé f/ (x)=(2ax+b)e ™ f(axz +bx +c)e’x = [fax2 +(2a—0b)x +(bfc)]e’x.
Vi f(x) la mot nguyén ham ciia g(x) néntacé f/(x)=g(x),Vx.
Do d6 [fax2 +(2a7b)x+(b76)]e’x = x(lfx)e”‘ & —ax’ +(2a7b)x+(b76) =—x" +x.
—a=-—1
Déng nhat hé s6 hai vé, ta duge {2a—b=1<a=b=c=1—-S=a+b+c=3. ChonD.
b—c=0
Cau 42. (PE THU NGHIEM 2016 — 2017)
Tim nguyén ham cuia ham s6 f(x)= cos2x.
1. 1.
A. ff(x)dx:EsterC. B. ff(x)dx:fEngerC.
C. [ f(x)dr=2sin2x+C. D. [ f(x)dx=-2sin2x+C.
Loi giai. Ta cé ff(x)dx = fcostdx = %sianJrC. Chon A.
Cau 43. Biét rdng F(x) la mft nguyén ham cua ham s f(x)=sin(1—2x) va thoa
man F[%] =1. Ménh dé nao sau day la dtng?
A. F(x)=cos(1—2x)+1. B. F(x)=cos(1-2x).
C. F(x)=—7cos(1-22)+3. D. F(x)=-ycos(1-2x)+5

Loi giai. Ta c6 fsin(l—Zx)dx = %cos(l—Zx)—i—C.



Theo gia thiét F[%J ST,

lcosOJ—i—Czl & C:l.
2 2

Suy ra F(x)= %cos(lex)Jr%. Chon D.

Cau 44. Cho ham s6 f(x) thoa cac diéu kién f'(x)=2+cos2x va f g] =2m. Ménh
dé nao sau day la sai?
A f(0)=m. B. f(x):2x+$+w.
C. f(x):2x7w+7r. D. f[z]:O.
2 2
1

Léi gidi. Tacs [ f'(x)dx = [(2+cos2x)dr = 25+ sin2x+C.

Theo gi thiét f[g] =2r——r4+C=2r&C=m

Suyra f(x)=2x +%sin2x +m. Chon B.

Cau 45. Mot nguyén ham F(x) cia ham s6 f(x)=sin’ x 1a két qua nao sau day, biét

nguyén ham nay bing % khi x = % ?

A F(x)_sin3x B F(x)_iisian
' 3 ' 2 4
8 s 3
C. F(y)=X-Sm2x 1 DR R )
2 4 4 3 12
. 1—cos2x

Loi giai. Ta ¢ dx= [ sin*xdx= | ——==4d

i giai ff(x) f xdx f 3 x
:lf(l—COSZx)dx:l[x—lsian +C.

2 2 2
Theo gia thiét F[E]:£—>l.z—lsin£+C=£@C:l.

4 8 24 4 2 8 4
x sin2x 1

Suyra F(x)==— +—. Chon C.

yra Flx)=5 ===+ Che
Cau 46. Tim nguyén ham ctia ham s6 f(x)= tan’ x.

A. ftanzxdx:tanx—x—i—c. B. ftanzxdx:tanx—x.

3 3
C. ftanzxdx:tan X D. ftanzxdxzm—x+C.
x x

Loi giai. Dung k§ thuat thém bét, ta dudc ftam2 xdx = f[(l +tan? x) - l]dx

:f(lthanzx)dxffdx:f 1 dxffdx:tanxforC.

cos’ x

" Né&u dé bai yéu ciu tim ho nguyén ham thi ta chon A, con yé&u ciu tim mdt nguyén
ham thi ta chon B".

0 day yéu cAu tim nguyén ham, tiic 1a phai tim ho nguyén ham. Chon A.

Cau 47. Cho nguyén ham ff(x)dx =sin2xcosx +C . Ménh dé nao sau day la ding?

A. f(x):%(3cos3x+cosx). B. f(x):%(cos3x+cosx).
C. f(x):%(3cos3x7cosx). D. f(x):%(cos3xfcosx).

Loi giai. Ta c6 ff(x)dx =sin2xcosx = %(sinSx—i— sinx).



Suy ra f(x):%(sinSx—i—sinx)/ :%(3cos3x+cosx). Chon A.

Cau 48. Tim gia tri thuc clia cac tham s6 a, b dé ham s6 F(x)=(acosx +bsinx)e* 1a

mot nguyén ham cta ham s f(x)=e* cosx.

A a=15b6=0. B.a=0b6=1. C.a=b=1. D.a:b:%.

Loi giai.
Tacé F/(x)=(—asinx+bcosx)e* +(acosx+bsinx)e* :[(b—f—a)cosx—i—(b—a)sinx]e".
Vi F(x) la mot nguyén ham ctiia f(x) néntacé F’'(x)= f(x),Vx.

Do d6 [(b+a)cosx+(bfa)sinx}e" =e¢" cosx < (b+a)cosx +(b—a)sinx = cos x.
b+a=1

(:)a:b:l. Chon D.
b—a=0 2 :

Péng nhat hé s6 hai vé, ta dude {

Cau 49. Biét F(x) 1a mot nguyén ham cta ham s§ f(x) :‘]t—m—i-sin2 x va théa man

T
F(0)=1, F[E]zf.Timm.
4) 8
A.m:—é. B.m:é. C.m:—i. D.m:é.
3 4 4 3

Léi gidi. Taco [ f(x)dr= [ 4—m+sin2dex: 4—mdx+fsin2xdx
™

™

:f47mdx+f%(1—c052x)dx=47mx+% x—%sianJ—&-C.
F(0)=1 c=1 c=1
Theo eia thist VN Chon C
€0 gla 1€ F 1 :E m+l 171 —+ :Z 7’}1:—é Qn
4] 8 2(4 2 3 4

Cau 50. Biét F(x) 1a mot nguyén ham cta ham s§ f(x)=——— va d6 thi ham s6
sin® x

y=F(x) diqua diém M[%;O] . Tinh F[g] :

A. F[E —0. B. F[E]:&_ C. F[E]zﬁ. D. F[E]:Z.
3 3 3 3 J3 3) 3
L(‘iigiéi.Tacc’)f — dr=—cotx+C.
sSin” x

D6 thi y=F(x) di qua diém M[%;O] nén F[%] :O%fcot%JrC =0<C=43.

243

Suy ra F(x)= —cotx+\/§—>F[§] == Chon B.



O Bai 02
MOT SO PHUONG PHAP TiM NGUYEN HAM

1. Phuong phap doi bién s6

Néu [ f(x)dx=F(x)+C thi [ flu(x)]u'(x)dx=Flu(x)+C.

Gia st ta cdn tim ho nguyén ham I:ff(x)dx, trong d6 ta c6 thé phan tich
f(x)= glu(x)]u'(x) thi ta thuc hién phép ddi bién s6 ¢ = u(x), suy ra de = u'(x)dx .

Khi d6 ta duge nguyén ham: [ g(¢)ds = G(¢)+C = Glu(x)]+C.

Chu y: Sau khi tim duge ho nguyén ham theo ¢ thi ta phai thay ¢ =u(x).
2. Phuong phap 14y nguyén ham titng phan

Cho hai ham s6 # va v lién tuc trén doan [g;5] va c6 dao ham lién tuc trén doan
|a;6). Khi d6: [udv =uv— [vdu. ()

P& tinh nguyén ham f f(x)dx bing tiing phén ta lam nhu sau:

Bugec 1. Chon #, v saocho f(x)dx=udv (chuy dv=v'(x)dx).

Sau d6 tinh v:fdv va du=u'dx.
Budc 2. Thay vao cong thiic (*) va tinh f vdu .

Chii y. Can phai lua chon # va dv hdp li sao cho ta dé dang tim dugc v va tich
phéan f vdu d& tinh hon f udv . Ta thudng gip cac dang sau

eDangl. I = fP(x) smx dx , trong d6 P(x) la da thic.
cosx
u:P(x)
Véi d ay, ta dat i .
i dang nay, ta di _[sinx],
cosx

eDang2. [ = fP(x)e""”’dx , trong d6 P(x) la da thic.

. u= P(x)
Véi dang nay, ta dat .
dv = e*"dx

eDang3. I = fP(x)ln(mx+n)dx , trong d6 P(x) la da thic.

. u=1In(mx+n)
Véi dang nay, ta dat

dv= P(x)dx
sin x
e Dang 4. I:f e*dx.
cosx
_|sinx u=e
V61 dang nay, ta dat ~|cosx hodc c6 thé dat nguge lai sin x e
dv=e¢"dx ~|cosx




CAU HOI TRAC NGHIEM

=
V&n dé 1. PHUONG PHAP DPOI BIEN SO
=0

Cau 1. Biét [ f(u)du = F(u)+C. Ménh dé nao dusi day ding ?
A [fx-1)dx=2F(2x-1)+C.  B. [ f(2x—1)dr=2F(x)-1+C.
C. [f2x-1)dx=F(2x-1)+C. D ff(fol)dx:%F(fol)nLC.
Loi giai. Dat u=2x—1——du=2dx
. s, _ du 1 _
Khi d6 ff(2x—l)dx—ff(u)y—sz(u)du—
Chon D.
Céau 2. Tim ham s§ F(x) théa man F'(x)=(2x +1)"" v3 F[—%]:ZOIS.

1

EF(2x—1)+c

2018 2018
A =) s, B. F(x)= ZY oo,
2018 4036
C. F(x)=2017(2x +1)"° +2018. D. F(x)=4034(2x+1)"" 4 2018.
Loi gidi. Taco [ (2x+1)"" dr. Dat u=2x +1——du=2dx
2018 2018
Khi do [ (2x+1)"" dv= f gy = L o (2at])
~ 272018 4036
Theo gia thiét F[_E] 2018——C =2018.
2018
Vay F(x):w—i-ZOl& Chon B.
4036
Cau 3. Tim nguyén ham cia ham s6 f(x)= x(x2 +1)9.
1 10
A. ff(x)dx:f%(x“rl) +C. B. [ f(x)dx=—-(x*+1)" +C.
C. [f(x)dr=2(x*+1)"+C. D. [ f(x)dv=(x +1) +C.

Léi gidi. Tacs [ f(x)dr = [ x( (x> +1) dv. Diit r=2" +1——dr =2xdx .

Khi d6 fx(x +1) dx = ft dt—EE-i-C—ZO(

Vay ff(x)dx:%(x2+l) +C. Chon B.

x +1) +C.

Cau 4. (DE MINH HQA NAM 2016 - 2017)
Tim nguyén ham cia ham s6 f(x)=+2x—1.

A [ f(x)dx 2x V2x—1+C.  B. [ f(x)dx 2x 1)V2x—1+C.
C. ff(x)dx:—gx/Zx—l—i—C. D. ff(x)dx:E\/folJrC.

Loi gidi. Taco [ f(x)dx = [V2x—1dx. Dat t =2x—1— ¢ =2x—1——udt = dx.
£ 1
Khi d6 fx/Zx—ldx:ft.tdt:ftzdtZE—l-C:E(Zx—l)x/Zx—l—i-C. Chon B.



Cau 5. Biét F(x) 1a mot nguyén ham cta ham s§ f(x)= Ir;x Jin? x 1 va F(1)= %
Tinh [F(e)] .
AFEf =3 B[FEf-5  C[FEf =3 D. [F(e) -

Loi gidi. Ta o [ 2% Jin® x 1 1dx.
X

Pat r=In’x+1=¢* —(In x+1)—>tdt—1n—xd

x
3
3 NIn? x +1
Khi d6 fln—x-\/lnzx—i—ldx:ftzdt:t——i-C:g—l—C.
X 3 3
co e 1 1 1
Th hié == == =0.
eo gia thiét F(1) 3 3+C 3®C 0
(\/lnszrl)3

Suy ra F(x)= [F(e)]z = g Chon B.

3
Cau 6. Biét F(x) 1a mot nguyén ham cua ham s6 f(x)= Lo va F( ) 4 . Ménh dé
x

nao sau day la ding?

2
A. F(x)= 1n2x+c. B. F(x)=1n2x+2
2 2
c F(x):lnzx—Z. D. F(x) Inzx—i—x—i—C.
Inx dx
L&i giai. Ta co ff )dx = f—dx bat tr=lnx——dr=—
x
Inx In® x
Khi d6 dx = tdt:— C= C.
1 f f 2 + 2 +

o In? (ez)
Theo gia thiét F(e2)=4—>T+C=4(:>C:2.

2
Suy ra F(x)= In” »

Chu y: Pap an A dugc goi 1a ho nguyén ham cta ham s6 f(x).

Cau 7. Biét F(x) 1a mot nguyén ham ctia ham s6 f(x)= ! 1 va thoa F(0)=—-In2.

e +
Tim tap nghiém S cta phuong trinh F(x)—i—ln(e" +1): 3.
A. §={£3}. B. §={3}. C.S=0o. D. S:{—S}.
e a2 . 1 _re+l-=e
Loi giai. Ta c6 f€x+1dx—f e dx = fdx f dx—x—fe 1 dx.
bat t=¢"+1——dr=¢"dx. Khi dé

fexelldx:f%=1n|t|+C=1n e +1[+C=In(e" +1)+C.

) 1 .
Do d6 fex—Jrldx:xfln(e +1)+C.
Theo gi4 thiét F(0)= —In2——0—In2+C=—In2 4 C=0.
Suy ra F —xfl ( )
Xét phuong trinh F(x )+1r1(e +1) 3<:>x71n(e"+1)+1n(e"+1):3<:>x:3. Chon B.



Cau 8. Ham F(x) nao dudi day khong phai 13 moét nguyén ham cua ham s6
f(x)= xe* ?
A. F(x):le"Z +2. B. F(x):l(e"Z +5).
2 2
1 . 1 .
C. F(x)=—¢" +C. D. F(x)—fE(Zfe ).

Loi gidi. Taco [ f(x)dx = [xedv. Dat t:x2—>dt:2xdx—>xdx:%dt.

Khi d6 ff(x)dx:%fe’dt:%e’—i—C:%e"z+C.

Vi F(x) la mot nguyén ham caa f(x) nén dap an A dung véi C =2, dap an B dung
véi C = g dap 4n D déing v6i C = —1. Vay chi 6 d4p 4n C 1a sai. Chon C.

Cach trac nghiém. Ta thdy cac dap 4n A, B, D sai khac nhau hing s6 nén chéc chén
rdng né 1a mot nguyén ham cta f(x).

elnx

Cau9. Cho I = f dx va t=Inx. Ménh dé nao sau day la ding?

X
t _ t _ i _
A.I:ftedt. B.Iffedt. C.I_ftdt. D.Ifftdt.
Lési gidi. Dit £ — Inx—df — ~dy . Khi d6 I:fe’dt. Chon B.
X

Cau 10. Ki hiéu F(x) 1a ho cac nguyén ham cua ham s6 f(x)=sin’ xcosx . Ménh dé

nao sau day la dung?

5 4
A F(x):“’; Xic. B. F(x)=""_"+C.
o .5
C. F(x)zsmeJrC. D. F(x)zsm ic.
Loi giai. Ta c6 ff(x)dx:fsin4xcosxdx. D4t £ =sinx ——dr = cosxdx .
5 5
Khi d6 ff(x)dx:ft4dt:%+Czsm *{C. ChonD.
Cau 11. Biét F(x) 1a mot nguyén ham cua ham s& f(x):% va F[%]:Z
Tinh F(0).
A. F(O):f%1n2+2. B. F(o):%mzu.
2 1
C. F(0)=—3n2-2. D. F(0)=—Mn2-2.
NPT sin x
Lo .Taco6 | ——
i giai. Ta c6 f1+3cosx
bat t:1+3cosx*>dt:f3sinxdxHsinxdx:fédt.
. sin x 1 pde 1 1
Khid6 | —————dx=—=| —=—=In{t|+C=—=In|1+3 C.
ido f1+3cosx 35 3 nlf+ 3 n|l+3cosx| +

Theo gia thiét F[g =2—C=2.

Suy ra F(x)= féln|1+3cosx| +2—— F(0) :Zfélrﬂ2 = Zf§1n2. Chon B.



Cau 12. Cho F(x) la mdt nguyén ham ctua ham s6 f(x)=cotx trén [O;Z?TF] thoa

E =0. Tinh F[ ]
4 2
1
A. F|Z|= V2. B. F|Z|=Z1n2.
[2] 2 [2] 2 0
C. F[i]zlnz. D. F 1]:21112.
2 2

L&i giai. Ta c6 f cotxdx = f cosx

——dx. Pat r=sinx——dr =cosxdx .
sin x

Khi d6 fcotxdx fcosxdx f— 1n|t|+C—In|smx|+C

S x

=0——In

Theo gia thiét F[%

%szo & C =1n(«/5).

Suy ra F(x)= In(|sinx|)+ln(x/5)—>F

1] =In(v2)= Lin2. ChonB.
2 2
Cau 13. Goi F(x) 1a mot nguyén ham cta ham s§ f(x)=tan2x théa mén F(0)=0.

Tinh T = x/EeF[%] — eF[g].

A. T=1. B. T =+/2. C. T=-2. D. T=0.
sin2x
Lo&i gidi. Tacé [ tan2xdx = dx.
& f fcost

bat r =cos2x——dr = —2sin2xdx — sin2xdx = f%dt.

Khi d6 [ tan2xdx = fsm2xdx_—— 2:—%.1n|t|+c:—%1n|coszx|+c.

cos2x 2J ¢
E]:—lln
6 2
Vay T =+2.¢™? —¢*=2-1=1. Chon A.

Theo gia thiét F(0)=0——C =0.
Suy ra F(x)= —%In|c052x|—>F[g]: 0vaF
Cau 14. Biét F(x) 1a mot nguyén ham cua ham s6 f(x)=

l]:m(ﬁ).

Sm x

cosx va F(m)=5.
Khéng dinh nao sau day la dung?
A F(x)=¢""+4. B. F(x)=e""+C.
C. F(x)=¢""+4. D. F(x)=e"+C.
Loi giai. Ta c6 ff(x)dx:fe““ cosxdx. Dat ¢ = sinx —— dt = cos xdx.
Khi do [ f(x)dx= [e™*cosxdr= [e'dr=e' +C=e"" +C.
Theo gia thiét F(r)=5——e""+C=5<1+C=5&C=4.
Suy ra F(x)=e""" +4. Chon A.

tan x

e

Cau 15. Biét F(x) 1a mot nguyén ham cta ham s6 f(x)= va F(0)=2017.

cos” x
Khéng dinh nao sau day la dung?
A. F(x)=e"" B. F(x)=e ™"
C. F(x)=¢""" +2016. D. F(x)=¢"" +2018.
Léi gidi. Taco [ f(x)dx= [ —dx. Dat r=tanx——dr = L ax.

COS X COs™ x



tan x

Khi d6 ff )dx = fcos xdx:fe’dtze’—i—C:e‘a”—&-C.

Theo gia thiét F(0)=2017——¢™"+C =2017 < C =2016.
Suy ra F(x)=e""* +2016. Chon C.

==
Van dé 2. PHUGNG PHAP LAY NGUYEN HAM TUNG PHAN
=
Cau 16. Goi F(x) 1a mot nguyén ham cua ham s§ f(x)=Inx va théa man F(1)=3.
Tinh F(ez).
A. F(e)=4. B. F(¢’)=3¢+4. C. F(e’)=—¢+4. D. F(e’)=¢"+4.
=Inx du= %
L&i giai. Ta co flnxdx bat {dv—dx | . X .

Khi d6 [Inxds=xlnx— [dr=xlnx—x+C.
Theo gia thiét F(1)=3——-1+C=3C=4.
Suy ra F(x):x.lnx—x+4—>F(eZ):ez+4. Chon D.

Cau 17. (Dﬁ CHINH THUC 2016 - 2017) Cho F(x)= 73% 12 mét nguyén ham cua
x

ham sé f(x) . Tim nguyén ham cuia ham s§ f'(x)lnx.
lnx 1 , Inx 1
A, ff lnxdx— = : B. ff(x)lnxdx— f§+C.
1 Inx
C. ff Inxdx— +37+c. D. ff Inxdx———+37+C
2
Loi giai. Ta c6 F'(x):%.%:x—a:@%f(x):%.
et 1 ir. Dit =Inx du:ldx
eff nxdx. D& b= f )dx{:) x .
v=f(x)
f(x) lnx 1
Khi d6 ff )In xdx = Inx. f (x f dx == +——+C. ChonC.
ln(lnx)
Cau 18. Tim nguyén ham cia ham s6 f(x)=——-=
1 1
A fmdx_lnxln(lnx) c. B fmdx_lnxln(lnx)—f—lnx—f—c

1 1
C. f—dln (Inx) x=Inx.In(Inx)—Inx+C. D. fn—nx)dx In(Inx)+Inx+C.

In Inx
Lo gidi. Dat r = Inx = dr = % Suy ra f flntdt
X
dr
. |u=Int du=—
bat = t.
dv=dr
v=t

Khid6 [Intde=r¢int— [dr=¢int—t+C=Inx.In(Inx)~Inx+C. Chon C.



Cau 19. Tim nguyén ham cia ham s6 f(x) = xe”.
A. fxe"dx:e"—i—xe”—i—c. B. fxe”dx:%e"JrC.
C. fxe”dx:xe”—e"—i—c. D. fxe"dx:%e”qLe”qLC.

N s u=x du =dx
Loi giai. Ta c6 fxe"dx. Dbat = .
dv=¢"dx
Khi d6 fxexdx = xe* —fexdx =xe* —e* +C. Chon C.
Cau 20. Biét F(x) 1a mot nguyén ham cua ham s6 f(x)=(x—1)¢* va thoa man

F(0)=1. Tim F(x).

A. F(x):(xfl)e’. B. F(x):(fo)e".
C. F(x):(x+1)ex+1. D. F(x):(x72)€x+3.
Loi gidi. Tac [(x—1)e"dr. Dit {”_xl :,{d“_dx.
dv=¢€"dx v=e"

Khido [(x—1)e'dr = (x—1)e" — [e'dx = (x—1)e* —e +C = (x~2)e" +C.

Theo gia thiét F(0)=1——(0-2)e’ +C=1<C=3.

Vay F(x)=(x—2)e* +3.Chon D.

Cau 21. Cho F(x) la mot nguyén ham cta ham s6 f(x)=x.e * thoa man diéu kién

F(0)=-1. Tinh téng S céc nghiém ctia phuong trinh F(x)+x+1=0.

A. §=-3. B. §=0. C. §=2. D. S=-1.
. R u==x du=dx
Loi giai. Ta c6 f xe*dx. Dat = .
dv=e¢"dx v=—e"

Khi d6 fxe’xdx =—xe " +fe”‘dx =—xe " —e " +C.
Theo gia thiét F(0)=—-1———-1+C=-1<C=0.
Suyra F(x)=—x¢ " —e* =—¢"(x+1).
Xét phuong trinh F(x)—l—x—l—l:O & —e" (x+1)+x+1:0
x=-
x=0
Cau 22. Biét F(x) la mot nguyén ham cua ham s§ f(x)=xsinx va théa méan
F(r)=2m. Tinh gia tri cla biéu thiic 7 =2F(0)—8F (2x).

A. T =6m. B. T =4n. C. T =38m. D. T =10mr.

) =

dv = sin xdx

@(x+1)(ex+1)—0<:>\ I §—-110=-1 ChenD.

L&i giai. Ta 6 f xsinxdx . Dat { .
V= —COSXx

Khi d6 fxsinxdx:—xcosx—l—fcosxdx:—xcosx+sinx+C.
Theo gia thiét F(r)=2r——n+C=2r<C=m.
F(O):w

——T =27—-8.(—7)=10m.
F(Zﬂ'):*ﬂ' i ( ﬂ-) g

Suy ra F(x)—xcosx+sinx+7r‘>[

Chon D.



Cau 23. Biét F(x) la mot nguyén ham cta ham s6 f(x)= xcoszg va théa F(0) :%-

Tinh F(7r)
A FM) =g B pr)-Zl . Fm=T+l D Fm)=Ti1
2 2 4 2 4 2 4
Loi giai. Ta c6 fxcos2§dx:fx[l+c% dx:%fxdx—s—%fxcosxdx.
1 1 %? x?
° Efxdx:??JrC]:?JrCl. (1)
) lfxcosxdx. bat {u—x :{du—.dx .
2 dv = cos xdx y=sinx

1 1 . . 1 .
Suy ra Efxcosxdx:E(xsmxffsmxdx):5(x51nx+cosx+C2). (2)

2
X

Tu (1) va (2), suy ra fxcoszgdxzz—l—q—&-%(xsinx—&—cosx—i—Cz).
Theo gid thiét F(0)=~——C, 4+~ 4~C, =~ & ¢, +~C, =0.
2 t2 27 277 2
2 2
Suy ra F(x):%+%(xsinx+cosx)—>F(7r):%—%. Chon B.

Cau 24. Tim nguyén ham ctia ham s§ f(x)= x cosx.

A. fxzcosxdx:x2 sinx —2xcosx +2sinx +2C.
B. fxzcosxdx:xzsinx+2xcosx—2sinx.
C. fxzcosxdx:xzsinx+2xcosx7251nx72C.
D. fxz cos xdx = x” sin x + x cos x —sinx —C.
= 2 d :2 d
Lai giai. bat |“~F o [T
dv = cos xdx y=sinx
Khi d6 [ x” cosxdx = x” sinx—2 [ xsin xdx (1)
Tinh [ xsinxdr. Dt w=x “ .
dv = sin xdx Y= —Cosx

Ta duge fx sin xdx = —x cos x + fcosxdx =—xcosx+sinx+C.  (2)
Tu (1) va (2), suy ra fx2 cosxdx = x” sinx —2(—xcosx +sinx+C)
=x’sinx +2xcosx —2sinx —2C. Chon C.

Cau 25. Tim nguyén ham cua ham s6 f(x)=e"sinx.

1
A. | ¢ sinxdx =¢*sinx +C. B. | ¢ sinxdx =—(e* sinx +e¢* cosx)+C.
J / o )

C. fe" sinxdx = ¢ cosx +C. D. fe" sinxdx:%(e" sinx—e* cosx)—i—C.

u=-sinx du = cos xdx

x

Loi giai. Dat =
y=¢"dx y=e

Khi d6 fsinxe"dx =¢" sinxffcos xe*dx =e*sinx— K . (1)
U=Ccosx du = —sin xdx

Tinh K :fcosxexdx . Dat .
dv =¢"dx v=c¢e"

Suy ra K =e*cosx + fsin xe*dx. (2)



Tu (1) va (2), suy ra fsinxe"dx:e" sinx—(e" cosx—f—fsinxe"dx)
1 X X 1 X 1 X 1 X 1 X
(:)2f51nxe dx=¢"sinx—e cosx(:)fsmxe dx:z(e sinx —e cosx).

Vi cac nguyén ham sai khac nhau hing s C nén ta Chon D.



O Bai 03

TiCH PHAN
1. Pinh nghia
Cho f(x) la ham s§ lién tuc trén K va a, b 1a hai s§ bat ki thujc K . Gia su
F(x) 1a mot nguyén ham cta f(x) trén K thi hiéu s6
F(b)-F(a)

dugc goi 1a tich phan cia f(x) tit ¢ dén » va ki hiéu la
b
ff(x)dx =F(x) =F(b)—F(a).

2. Tinh chat

= Tich phan tai mdt gia tri xac dinh ctia bién s6 thi bang 0, tic la ff(x)dx =0.

» D6i can thi d6i dau, tic la j f(x)dx= —j f(x)dx .
a b
» Hang s6 trong tich phan c6 thé dua ra ngoai ddu tich phan, tic 1a
]kf(x)dx - k]f(x)dx (% 1a hing s9).
. Tl’chgphén mot té'ngg bing téng cac tich phan, tic 1a

][f(xﬁg(x)]dx:ff(x)dxifg(x)dx.

a

= Tach doi tich phan, tic 1a [ £ (x)dx = ff(x)dx+ff(x)dx.

b
Chi y: Tich phan ff(x)dx chi phu thudc vao ham f va cac cian a, b ma khong

b b
phu thudc vao bién s6 «x , tic 1a ff(x)dx = ff(t)dt .

a

CAU HOI TRAC NGHIEM

=
Vén dé 1. TEINH CHAT TiCH PHAN
=
Cau 1. Gia st ham s6 f(x) lién tuc trén R va céc s6 thuc @ <b<c. Ménh dé nao sau

day sai?
A. ]f(x)dxsz(x)dx—l—]f(x)dx. B. ff(x)dx:]f(x)dx—]f(x)dx.

¢ [Fx)or= [ fle)ds+ [ F)tm D. [of(r)dr=c [ Alx)dn

a

L&i giai. Chon C.



Cau 2. Cho f(x), g(x) 1a hai ham s& lién tuc trén R va cac s6 thuc a, b, ¢ . Ménh dé

nao sau day sai?

L&i giai. Chon D.
Cau 3. Trong cac khing dinh sau, khang dinh nao ding?
1
A. f dx=1.
il

B. ]ﬁ (x).£, (x)dx:]ﬁfI (x)dx]fz(x)dx .

b
C.Néu f(x) lién tuc va khong Am trén doan [g;5] thi ff(x)dx >0.

a

b
D. [kdx=k(a—b), VkER.

1
=2. Do d6 A sai.

-1

1
Loi giai. Ta c6 f dx =x
-1

Theo tinh chat tich phan thi B sai (vi khong c6 tinh chit nay).
Xét dap an C. Gia st F(x) 1a mot nguyén ham cia ham s6 f(x) trén doan [a;b].

Suy ra F/(x)= f(x)>0, Vx €[a;b].
b
e F/(x)=0,Vx €[a;b], suy ra F(x) la ham hing nén ff(x)dx = F(x)|z =0.
o F'(x)>0,Vx €[a;b], suy ra F(x) dong bién trén doan [a;b] nén F(b)> F(a).

b
Dodé [ f(x)dx = F(x)| = F(b)-F(a)>0. Do d6 C diing. Chon C.

b b
Tacé [kdr=k. [dr=kx| =k(b—a)— D sai.

b
5 2
Cau 4. Cho ham s& f(x) théa man [ f(x)dx=10.Tinh I= [[2-4f(x)]dx.
2 5
A 1=32. B. =34 C. I=36. D. I =40.

Loi gidi. Taco [ = [[2-4f(x)|dx =2 [dx—4 [ f(x)dx

2

5
=2x| +4[ f(x)dr=2.(2-5)+4.10=34. Chon B.
5 2

3 3
Cau 5. Cho ham s6 f(x) thoa mén ff(x)dx:ZOlé va ff(x)dx:2017.
1 4

4
Tinh tich phan 7 = f f(x)dx.
1



A. I=4023. B. I=1. C. I=-1. D. I=0.

3 4
Loi gidi. Ta c6 [ = ff [f(x)dx—l—[f(x)dx
3
f f x)dx = 2016 —2017 = —1. Chon C.

1 4

2
Cau 6. Cho ham s6 f(x) thoa méan ff(x)dx:l va ff(t)dt:f?).
1

1

4
Tinh tich phan 1= [ f(u)du
2
A T=-2. B. I——4. C.I—4 D.I-2

Loi giai. Ta c6 ff jf dx=1va ]f(u)du:]"f(r)dt:fs.

f(u)dwjf(u)du:fff(u)dwj"f(u)du:7173:74.

1

Suy ra I:jf(u)du:

o—

Chon B.
6 6

Cau 7. Cho ham s6 f(x) thoa méan ff(x)dx =4 va ff(x)dt =-3.
0 2

2
Tinh tich phén I = f[f(v)f3] dv.
0

A, I=1. B I=2. C. I=4. D. 1=3.

f ]f dv+ff ]f(v)dv:]f(v)dv_]f(v)dv
] x)dx — ff )dx =4—(=3)=17.

Vay I=7-6=1. Chon A.
10 6
Cau 8. Cho ham s6 f(x) thoa man ff(x)dx:7 va ff(x)dx:
2 10 ' ’
Tinh tich phan I:ff(x)derff(x)dx
0 6
A. 1=10. B. I1=4. C. I=1. D. 1=-4.

Loi g1a1 Ta

6

I= ]f dx+ff dx_ff dx+ff dx+ff x)dx— [ f (x)dx

2

6
f x)dx — ff )dx =7—3=4. Chon B.
’ d d c
Cau 9. Cho ham & f (x) théaman [ f(x)dx =10, [ f(x)dr =8 va [ f(x)dx =
a b a

Tinh tich phan 7= [ f(x)dx
b

A I=-5. B. =7 C.I1=5. D. 1=-7.



d

Loi giai. Ta cé I:Jf(x)dx:ff(x)dx+ff(x)dx+Jf(x)dx

b

]f dx— ff dx+ff x)dx=8-10+7=5. Chon C.
b

a

4

Cau 10. Cho ham s6 f(x) théa mén ff(x)dx:—Z,ff(x)dx:3 va fg(x)dx:7.

Khéng dinh nao sau day la sai?
4

A [[f(x)+2(x))dx =10. B.

4 4 4
Loi gidi. Tacs [[f(x)+g(x)]dx= [ f(x)dx+ [ g(x)dx=3+7=10.Do d6 A diing.
1 1 1
4 1 4

Taco [ f(x)dx= [ f(x)dx+ [ f(x)dx

3
4
=~ [ f(x)dx+ [ f(x)dr = ~(~2)+3=5. Do d6 B sai, C diing. Chon B.
1 1

4

Ta cé f[4f(x)72g(x)]dx:4]"f(x)dx72]g(x)dx:4.372.7:72.Do d6 D diing.
Cau 11. Cho ham s& f(x) thda f[sf x)+2g(x)|dx =1 va ][2f(x)—g(x)]dx=—3.

2
Tinh tich phan I = ff(x)dx
1

A T=1. B. I=2. c.r--2 D. 7=1.
7 2
L&i giai. Ta c6
2
° f3f x)+2g(x ]dx—l%ﬁff dx+2fg —1.
) .
° x=-3—2]| f(x g(x)dx=-3.
fore frivw |
u 5
2 2 - = ——
Dat [f(x)dx:u va [g(x)dx:v,ta c6 hé phuong trinh {iz—i-iv:—l?’@ 117.

2
5
Vay I = dx=u=-=.Chon C.
ay [f(x) r=u=-=.Chen

Cau 12. PE THU NGHIEM 2016 - 2017) Cho ham s6 f(x) c6 dao ham lién tuc
2

trén doan [1;2] va théa man f(1)=1, f(2)=2. Tinh I:ff/(x)dx
1

A I=1 B. I=-1. C. I1=3. D.I:%-

Loi giai. Ta ¢6 I:]f’(x)dx:f(x) —f(2)-f(1)=1. Chon A.



Cau 13. Cho ham s f(x) c6 dao ham lién tuc trén R va théa man f(0)=1. Ki hiéu
= f £'(¢)d¢. Ménh dé nao sau day la ding?
0
A I=f(x)+1. B.I=f(x). C.I=/f(x+1). D. I=f(x)-

Loi giai. Ta ¢6 I:]f’(t)dt:f(t) = f(x)= f(0)= f(x)—1. Chon D.

1
Cau 14. Cho ham s6 f(x)= ln‘er\/xz +1‘. Tinh tich phan ff’(x)dx
0

A. [ f/(x)dx=1nv2. B. [ f/(x)dx=In(1++2).

C. [ f/(x)dx=1+In+2. D. [ f/(x)dx=2In2.

S S

Loi gidi. Ta c6 ff/(x)dxzf(x)

1
0
1n‘1+\/12 ‘fln‘OJr\/OZ ‘—1n1+f Chon B.

Cau 15. Cho ham s§ f(x) c6 dao ham lién tuc trén doan [1;4] va théa méan

:In‘er x* +1

4
1)=12, [ f'(x)dr=17. Tinh gia tri cda f(4).
1

A f(4)=29 B. f(4)=5. C. f(4)=9. D. f(4)=19.

=f(4)-r(Q).

1

Loi giai. Ta ¢6 ff x)dx = f(x)

Theo gié thiét ff'(x)dx:17<:>f(4)ff(1):17ﬁ>f(4):17+f(1):17+12:29.

Chon A.
Cau 16. Cho ham s6 f(x) c6 dao ham lién tuc trén doan [L;In3] va théa méan
In3

ff x)dx =9—¢. Tinh gié tri cha f(In3).

A. f(In3)=9-2¢. B. f(In3)=
C. f(In3)=-9. D. f(In3)=2¢ 9.
Léi giai. Ta c6 ff _fx)| = f(n3)- ().

In3

Theo gia thiét ff Jdx=9-¢* & f(In3)— f(1)=9—¢°

—— f(In3)=9-¢"+ f(1)=9—¢*+¢* =9. Chon B.
Cau 17. Cho ham s6 f(x) c6 dao ham lién tuc trén doan [1;3] va thoa man f(1)=1,

3
f(3)=m. Tim tham s& thuc m dé ff/(x)dx=5.
1
A. m=6. B. m=5. C. m=4. D. m=-4.

3
Loi gidi. Taco [ f/(x)dr = f(x)
1




3
Theo gia thiét [ f(x)dx =5« f(3)~ f(1)=54 m—1=54 m=6. Chon A.
1

Cau 18. Cho ham s6 g(x)= ftcos(x—t)dt. Tinh g'[%}.
0

A ¢|Zl=-1. B. '1]=1. C. '[1]=0. D. '[1]:2.
g[z] g[z g5 g5
Loi idi. Dit u=t du=dt
1 glal. ba dv:cos(x—t)dt v:—sin(x—t)'
Khi d6 g(x)=tsin(x 1) + [sin(x—¢)de = ~¢sin(x—1) +cos(x—1) =1-cosx.
0 0 0 0

. ™
=sin|—
2

Suy ra g'(x):sinx—>g'[g =1. Chon B.

J(2

Cau 19. Tinh dao ham cta ham s§ F(x)= fcos\/;dt véi x> 0.

0
A. F'(x)=x’ cosx. B. F'(x)=2xcoszx.
C. F'(x)=cosx. D. F'(x)=cosx—1.

Loi giai. Dat y=\/;:>y2 =t——2ydy =dr. D6i can: { , .
t=x"—>y=x

1 =2 du=2d
Khi d6 F(x)= [cosy.2ydy. Dat {“ Y _>{ =
5 dv = cos ydy y=siny

x

Suy ra F(x)=2ysiny =2xsinx+2cosx —2
0

+2cosy
0

72fsinydy:2ysiny
0 0

—— F'(x)=2sinx+2xcosx —2sinx = 2xcosx. Chon B.
Cau 20. Tim gié tri nho nh&t m cta ham s6 F(x)= f(tz + t)dt trén doan [-1;1].

1

A.m:l. B. m=2. C.m:—é. D.m:é.
6 6 6
x 3 2\* 3 2
Loi giai. Tac F(x)= [(2+e)de=| o4 Pf =X 4% 3
i gidi. Ta c6 F(x) [(t +t) [3+2 326
. ¥ x5
Xét ham s6 F(x)=—+——= trén doan [-11].
3 2 6
=0€|-1;1
Paoham F'(x)=x’+x——F'(x)=0¢ * 51 )
x=—1e[-11]
2
F(-1)=-=
(12
Ta c6 F(O):—% —>1[11111r]1F(x):F(0):—%. Chon C.
F(1)=0

Cau 21. Tinh dao ham céia ham s6 F(x)= [Vi+¢dr.
1

A F/(x):\/li7. B. F/ (x)=+1+% .




C. F/(x)= Jliix D. F/(x)=(* +1V1+ 2.

Loi gidi. Goi H(¢) 12 mot nguyén ham caa v1+# , suyra H'(t)=~1+£.

x

Khi do F(x) = [N+ride— ()| —H(x)-H()

——F'(x)=[H(x)-H(1)] =H'(x)=+1+x". Chon B.

Céu 22. Tinh dao ham cta ham s6 F(x)= | sinf’dr véi x> 0.

=~

. sin x 2sin x .
A. F'(x)=sinx. B. F'(x)= . C. F'(x)= D. F'(x)=sinx.
(x)=sinx (x) o (x) N (x)=sinvx
Loi gidi. Goi H(¢) 12 mot nguyén ham caa sin#*, suy ra H'(t)=sins’.
i, NF
Khi do F(x)= [sinfde=H(r) =H(Jx)-H(1)
1 1
/ ; H (J;) sin x
—— F'(x) = [H (Vx)-H (1)] =|H(Jx)| =~ ChenB.

Ch ¥ [H(\/Z)}/ = H' (V).
Cau 23. Tinh dao ham cua ham s§ f(x), biét f(x) thoa man ftef(’>dt =/,
0

A fl(x)=x. B.f(x)=#+1. C. f‘(x):%. D. f'(x)=1.

Loi giai. Goi F(¢) 1a mot nguyén ham cta te’") | suy ra F'(t)= e’V

= F(x)-F(0)—e'") = F(x)— F(0).

0

Khido [re"de=F(z)
0

Dao ham hai v&, ta dugc f'(x).eﬂx) = F'(x)<—>f'(x).ef(") = xe/™ — f'(x)=x.

Chon A.
f(x)
Cau 24. Cho ham s6 f(x) thoa man f ’dr = xcos(mx). Tinh f(4).
0

A. f(4)=2V3. B. f(4)=-1 C. f(4):%. D. f(4)=%12.
\e e , e 5 A7 3
Loi giai. Ta co j(:t dtz; 0 :g[f(x)] = xcos(mx).

Cho x =4, ta dugc %[f(4)]3 =4cosdr—— f(4) =312. Chon D.

Cau 25. Cho ham s8 y= f(x) ¢6 1< f'(x)<4 véi moi x €[2;5]. Héi khing dinh nao
duéi day 1a khéng dinh ding?
A.3< f(5)-f(2)<12. B. —12< f(5)- f(2)<3.
C.1<f(5)-f(2)<4 D. —-4< f(5)- f(2)<-1.
5
Ldi giai. DAu tién ta phai nhan dang duge f(5)— f£(2)= f f'(x)dx .

2

-
12

Do 1< f'(x)<4, Vx €[2;5]—— [1dx < [ f'(x)dx < [4dx.

Vay 3< f(5)— f(2)<12. Chon A.



=
Van dé 2. TICH PHAN CO BAN

s>

Cau 26. Tim s6 thuc ¢ >1 dé tich phan fx—de c6 gia tri bang e.
x
1

A.a:l. B . a=¢. C.a:ﬁ. D. a=¢>.
e 2
Loi gidi. Ta c6 f”ldx:f[ul
1 X 1 X 1

=a+Ilna—-1=e.

dx = (x+ln|x|)

Thi cac dap 4n da cho, c6 a =¢ thoa méan. That vy e+Ine—1=e. Chon B.

Céch CASIO. Thiét 1ap hiéu [ e,
X
1

x+1
x

dx —e va nhan ddu =.

1
Thi tiing dap an, vi du v6i dap an A ta nhap vao may f
1

Man hinh xuat hién s6 khac 0 nén khéng thda man. Tuong tu thi véi dap an B.

5
Cau 27. Tinh tich phan I:f &3 b
 2x—1
A. I=In3. B. I=In2. C. I=In9. D. I =Iné6.
5
Li giai. Ta c6 fS @ e 1| =1(n9-m1)=1m9=13. ChenAa.
12x—1 2 P2 2

2

Cau 28. Néu két qua cua f £
1 x+

dudc viét ¢ dang ln% v6i a, b 1a cac sd nguyén

duong va uée chung lén nhat ctia ¢, b bang 1. Ménh dé nao sau day 1a sai?
A 3a-b<12. B. a+2b6=13. C.a—b>2. D. &2+ =41.

T dx 2 5
Loi giai. Ta ¢ f—:ln|x+3|‘ =In5-In4=1In-.
. x+3 1 4

Suy ra {“ S 4—b=1<2. Dod6C sai. Chon C.

2016

Cau 29. Tinh tich phan I = f 7*dx.
0

72016 71 72017
A I= - B.I=7"_In7. C.I= =7. D. I =2016.7"".
In7 2017
2016 x |2016 2016
Loi gidi. Taco /= [7dx=—"—| =71 Chona.
0 In7 0 In7 In7

SIE]

Cau 30. K&t qua cua tich phan I = fcosxdx duge vist & dang I =a+5b3, véi a va

b 1a cac s6 hitu ti. Tinh P = a—4b.
A. P:a—4b:%- B. P=a—4b=3.

C. P:a74b:fl~ D. P:a74b:l~
2 2



2 = J3 1
Lai giai. Taco I = fcosxdx_sm x|t = 1——:1—1—[——].\/5
3 2 2
3
a=1
— 5 1——P=a—4b=3. Chon B.
2

2
Cau 31. Cho ham s& f(x)= Asin(mx)+ B (4, B thuoc R) théa man [ f(x)dx =4
0

va f'(1)=2. Tinh gia tri biéu thic P=n74+ B.
A. P=4. B. P=0. C. P=-2. D. P=-4.

2 2
Loi giai. Ta c6 ff(x)dx f[Asm(Trx)—i-B]dx = —écos(ﬂx)—i-Bx
0

0 ™

Suyra 2B=4< B=2.
Lai c6 f'(x):A7Tcos(7rx)ﬁ>f'(1):2<:>A7rcos7r:2<:>A:fE

™

Vay A:fg;B:2ﬁ>P:7rA+B:0. Chon B.

™
Cau 32. Biét ring tich phan f cos2xdx =0 v6i m 1a tham s6. Khdng dinh nao sau
0

day la dang?
A m=k2r (kEZ). B. m=kr (k).
C. m:kg(leGZ). D. m=(2k+1)7 (k€Z).

Loi gidi. Ta c6 0= [ cos 2xdr = %sian

0

m

= lsin2m
o 2

ﬁ>sin2m:0(:)2m:k7r<:>m:kz—7r (k€Z). Chon C.

Cau 33. Biét rang tich phan f
0

sin’ t—%]dt =0 v6i x 1a tham s6. Khdng dinh nao

sau day la dung?

A x=Fk2r (REZ). B. x=kr (kEZ).
C.x:k% (keZ). D. x=(2k+1)7 (k€ Z).
L&i giai. Ta co ] sin’ t —— ] f[l COSZt—Jd :f%]COStht
0 0 0
:flsinth :flsian.
0

Theo gia thiét f

sin%—%}dt:O@sian:O@Zx:kTr@x:k% (k€Z). Chon C.

CAu 34. Tinh tich phan I = ff )dx , biét réng f(x)=

—1

22017x khl x Z O
277 khix <0

22018 _ o Q2018 _
A. = log, e. B.I= log, e.
2017 e 2017 e
2018 2017
C.I= 2 1ln2 D. I= 2 1

2017 ' C 20172’



L&i giai. Ta c6 I:‘Iff(x)dx:ff(x)der].f(x)dx

0 1 9-2017x 0 92017+ 1 92018 _
= [2 7 dx+ [2 dr =~ + = log, e. Chon A.
/| | 2017In2| ,  2017In2|, 2017
2
Cau 35. Tinh tich phan I = fmin(l, x° )dx.
0
AT=3, B.I-4. c.r=4 D.1--2.
4 3 4
xe[O;l}%min(l,xZ):xz
L&i giai. Ta co
x €[1;2]—— min(1,*) =1
1 2 1 2 eIl 2 4
Do dé I= | min(l,x*Mdx+ [ min(l,x*)dx = [ x’dx+ [ Ldx="—| +x| =—+1=—=
Jrminfhocs frminfy e = ot [rae =] o] =513

Chon C.

=
V&n dé 3. UNG DUNG THUC TIEN

=D

Gia st v(¢) 1a van téc ctia vat M tai thoi diém ¢ va s(¢) 1a quing dudng vat di duge
sau khoang thoi gian ¢ tinh tit lic bit ddu chuyén dong. Ta c6 méi lién hé gidta s(r)
va v(¢) nhu sau:

¢ Dao ham cta quéng duong 1a van tée: s'(r)=v(¢).

e Nguyén ham ctia van toc 1a quang duong s(r)= fv(t)dt.

—— tlt day ta ciing 6 quang duong vat di dugc trong khoang thoi gian € [a;5] 1a

b

fv(t)dt:s(b)—s(a).

a

Néu goi a(r) 1a gia téc cua vat M thi ta c6 méi lién hé gitia v(¢) va a(¢) nhu sau:

e Dao ham cta van téc 1a gia toc: v/(r)=a().

e Nguyén ham cua gia tdc 1a van tdc: v ()= fa(t)dt.

Cau 36. (DK MINH HOA 2016 — 2017) Mot 6 t6 dang chay véi van téc 10m/s thi

ngudi 1ai dap phanh; tit thoi diém d6, 6 t6 chuyén dong cham dan déu véi van toc
v(t)=—5¢t+10(m/s), trong d6 ¢ la khodng thdi gian tinh bing gidy, ké tit lic bit dau

dap phanh. Héi tit ldc dap phanh dén khi ditng hin, 6 t6 con di chuyén bao nhiéu mét?
A. 0,2m. B. 2m. C. 10m. D. 20m.

Loi giai. Lic diing hin thi »(¢)=0——-5t+10=0 &t =2.

Vay tit lic dap phanh dén khi ditng hén, 6 t6 di dude quang dudng 1a

2 2
s:f(5t+10)dt:[§t2 +10tJ =10m. Chon C.
0 0

Cau 37. Mot 6 to6 dang di véi van toc 16n hon 72km/h, phia truéc 1la doan dudng chi
cho phép chay véi toc do téi da 1a 72km/h, vi thé& ngudi 1ai xe dap phanh dé 6 t6
chuyén dong cham dan déu véi van téc v(¢)=30—2¢(m/s), trong d6 ¢ 1a khodng thoi



gian tinh bang gidy ké tit luc bt ddu dap phanh. Héi tit lic bt ddu dap phanh dén
lic dat téc &6 72km/h, 6 td dd di chuyén quéng dudng 1a bao nhiéu mét?
A. 100m. B. 125m. C. 150m. D. 175m.
Laoi giai. Ta ¢6 72km/h =20m/s.
Tut 1dc bit ddu dap phanh dén ldc dat téc d6 72km/h, ta c6 phuong trinh
30-2t=20<1¢t=>5.
Vay tu lic dap phanh dén khi 6 t6 dat toc d6 72km/h , 6 t6 di duge quing dudng 1a

5

s= 30—2¢)dt =125m. Chon B.
[ (3021 :
0

Cau 38. Mot vat dang chuyén dong véi van tdc 6m/s thi tang téc véi gia tdc
a(t)= %m/ s?, trong d6 ¢ 1a khoang thdoi gian tinh bang gidy ké tit lic bt diu ting
t
téc. Hoi van toc ctia vat sau 10 gidy gdn nhat véi két qua nao sau day?
A. 14m/s. B. 13m/s. C. 11m/s. D. 12m/s.
. 2. 3
Loi giai. Taco v(¢t)= | —dtr=3In|t+1|+C.
g (=15 o1
Tai thoi diém lic bit dAu ting téc £ =0 thi v =6m/s néntacé 3Inl+C=6<C=6.
Suy ra v(#)=3In|t+1|+6(m/s).
Tai thoi diém ¢ =10s——»(10) =3In11+6 ~13m/s. Chon B.

Cau 39. Mot vat dang chuyén dong véi van toc 10m/s thi ting toc véi gia toc
a(t)=3t+¢ (m/s’), trong d6 ¢ la khodng thoi gian tinh bing gidy ké tit lic bat dau
tiang téc. Hoi quang dudng vat di duge trong khoang thdi gian 10 gidy ké tit lac bit
diu tang téc bang bao nhiéu mét?

4000 4300 1900 2200

A —m. B. —m. C. —m. D. —m
3 3 3 3

3 P

Loi giai. Ta c6 3t+1¢7)dt="—4+—+C.

& v(0)= [ (3r+7) 2 3
Tai thoi diém ldc bat dau tang téc =0 thi v =10m/s nén suy ra C =10.

2 3
Suy ra v(¢) :%Jr%JrlO(m/s).
Vay quang dudng vat di dude trong khoang thoi gian 10 gidy ké tit ldc bit dau ting
£ 104300

toc biang S—f[iJr +10 =—"—m. Chon B.
273 3

Cau 40. Mot 6 t6 dang chuyén dong véi van téc 30m/s thi ngudi 14 dap phanh; tit thoi diém

3 l'4
dt =|—+—+10¢
[2 12 ]

0

m/s®, trong d6 ¢ 1a

d6, 6 to chuyén dong cham dan déu véi gia toc a(t)=— 20 -
(1+2¢)
khoang thdi gian tinh bing gidy, ké tit lic bit ddu dap phanh. Héi quing duong 6 to di
dugc trong khoang thoi gian 2 gidy ké tit lic bt ddu dap phanh 14 bao nhiéu mét?
A. 46m. B. 47m. C. 48m. D. 49m.
Lai gidi. Ta co v(r)= [ 20 4=
(1+2r) 1+42¢
Tai thoi diém lic bt ddu dap phanh =0 thi v =30m/s nén suy ra C = 20.
10

Suy ra V(I)ZH—2+20(m/S)




Vay quing dudng 6 t6 di dugc trong khoang thoi gian 2 gidy ké tit lic bit ddu dap
2 2
N 10 2
hanh bang s= t)dt= | | ——+20|d¢r =(5In(1+2¢)+20¢)| ~48m. Chon C.
p g s [V() [[1+2t (5tn(1+2¢) )0 ;

Cau 41. Mot 6 t6 dang chay thing déu véi van téc v,(m/s) thi ngudi dap phanh, tit
thoi diém do, 6 t6 chuyén dong cham din déu véi van téc v(z)= —5¢+,(m/s), trong
d6 ¢ 1a khoang thdi gian tinh bang gidy, ké tit lic bit ddu dap phanh. Héi ti lac dap
phanh dén lc diing hin 6 t6 di chuyén duge 40m thi van téc ban ddu v, bing bao
nhiéu?

A. v, =40m/s. B. v, =80m/s. C. v, =20m/s. D. vy, =25m/s.
Loi giai. Lic dung hén thi »(¢)=0—— 54y, =0 & ¢ = V—SO

Yo

5 v, 2 2
. ‘e 5 < v v v
Theo gia thiét, ta c6 40m= [ (—5¢+, dt:[—t2+v t] 5 =04 00
[( o) 2 ") 10 5 10

——40m =~ ——v, =20m/s . Chon C.

Cau 42. Tai mdt noi khong cé gié, mot chiée khi cAu dang diing yén 6 d6 cao 162 m so
v6i mit dat da duge phi cong cai dit cho né ché do chuyén dong di xudng. Biét ring,
khi cAu d4 chuyén dong theo phuong thing ding véi van téc tudn theo quy luat
v(t)=10¢—# (m/s), trong d6 ¢ 1a khodng thoi gian tinh bang gidy, ké tit lic bat dau
chuyén d6ng. Hoi lc vita tiép d4t, van téc v ctia khi cAu bang bao nhiéu?
A. v=>5m/s. B. v=7m/s. C. v=9m/s. D. v=3m/s.

Léi gidi. Do v(t) =10t~ ——0 < <10,
Gia st chiéc khi cAu cham dat ké tit ldc bat ddu chuyén dong la ¢, giay (0<¢ <10).
se L f

3

Theo dé bai ta ¢6 phuong trinh 162 = f (100 —)dr = :
0 0

3

@—t—;+5tf—162=0 040 ;9 y(9)=9m/s. Chon C.

Cau 43. Mot doan tau chuyén dong thing khéi hanh tit mot nha ga. Quing duong s
(mét) di dugc cia doan tau la mdt ham s6 ctia thoi gian ¢ (gidy) c6 phuong trinh la
s=6¢> —¢>. Thoi diém ma tai d6 van téc cta chuyén doéng dat gia tri 16n nhat 1a:
A. t=6s. B. r=4s. C. t=2s. D. t=1s.

Lai giai. Van toc v(¢)=s'(r)=12¢ -3¢,
Bay gio ta di tim gia tri 16n nhét ctia ham 6 v(r) =12 -3¢,

s=6"—£>0
Taco {v=12r-3" >0 0<r<4=rec(0;4].

t>0
Dao ham va lap bang bién thién ta tim dudc max v(¢) dat tai r=2s. Chon C.
Céau 44. (PE THI CHINH THUC 2016 - 2017) Mot vat chuyén dong theo quy luat
s= —%tS +6¢* v6i ¢ (gidy) 1a khoang thoi gian tinh tit khi vat bt ddu chuyén dong

va s (mét) 12 quang dudng vat di chuyén duge trong khoang thdi gian d6. Héi trong
khoang thdi gian 6 gidy, ké tit lic bit ddu chuyén dong, van toc 16n nhit cia vat dat
duge bang bao nhiéu?

A. 24m/s. B. 108m/s. C. 18m/s. D. 64m/s.



Loi gidi. Van toc v(t)=s'(t)= —;tz +12¢.
Ycbt 14 di tim GTLN cta ham s6 v(z) = f%tz +12¢ v6i 0<r<8.
Dao ham va lap bang bién thién ta tim dugc rr[%%]xv(t) =v(4)=24m/s. Chon A.

CAau 45. Mot tau liia dang chay véi van téc 200 m/s thi nguoi 1ai tau dap phanh. Tu
thoi diém dé, tau chuyén dong cham dan déu véi van toc v(t)=200+at(m/s), trong

d6 ¢ 1a khoang thdi gian tinh bing gidy, ké tit lic bit ddu dap phanh va a(m/ sz) 1a

gia toc. Biét ring khi di duge 1500m thi tau ding, héi gia toc ciia tau bang bao nhiéu?

A. a:@(m/sz). B.a=- 209 m/s’. C. a:fﬂm/sz. D.a=- g0y m/s’.
3 13 3 13

Loi giai. Khi tau diing hén thi v-O(:)ZOO—I—at-O—u‘——ﬂ( /s).
a

Theo dé bai ta c6 phuong trinh
200

at

1500= [ (200+at)ds = [200r+7]

0

2—20 _ 40000 n 40000
0 a 2a

Suyra a= —%O(m/sz). Chon C.

CAu 46. Mot ngudi chay trong thoi gian 1 gig, van téc v (km/h) phu 1y
thudc vao thoi gian ¢ (h) c6 d6 thi 12 mot phan parabol véi dinh g4
I %; 8| va truc dé1 xting song song véi truc tung nhu hinh bén. Tinh
quang dudng s ngudi dé chay dudc trong khoang thoi gian 45 phit,
ké tit khi chay.
A. s=4km. B. s=2,3km. :
C. s=4,5km. D. s=53km. DL

Loi gidi. Ham van toc v(¢)=at* +bt+c c6 dang 1a dudng parabol di qua cac diém

c=0 a=-32

0(0; 0), A(1; 0) va I %; 8] nénsuyra {a+b+c=0 < {b=32
£+é+c:8 c=0
4 2

——v(r)=—-321" +32¢(m/s).
Vay quang duong ngudsi dé di duge trong khoang thdi gian 45 phut 1a:

3

4
s= [(~32¢ +32¢)dt =4,5km. Chon C.
0
Cau 47. Mot xe 6 to sau khi chd hét dén @6 da bit dau tang u(t)
toc véi van toc tang lién tuc duge biéu thi bang @b thi 1la 50

dudng cong parabol c6 hinh bén. Biét rang sau 10s thi xe dat
dén van tdc cao nhat 50 m/s va bit dau giam téc. Hoi ti ldce
bit dau tiang toc dén lic dat van téc cao nhat thi xe da di
dudc quang duong bao nhiéu mét?

1000 1100

A.—m. B.—m. t
B 3

-

C. —m. D. 300m .




Loi giai. Ham van toc v(r)=ar’ + bt +c¢ c6 dang la duong parabol ¢6 dinh 1(10;50),

ddng thdi di qua goc toa dd O(0;0) nén suy ra _b 10

ﬁw(t):f%tz +10¢(m/s).

C:O C:O
1
slag=—=
2a
a.10* +5.10+ ¢ =50 b=10

Theo d6 thi thi xe bit dau tiang téc ldc + =0 va dat van téc cao nhat lic £+ =10s nén

quang dudng di dudc cta xe tit ldc bit dau tiang toc dén lic dat van téc cao nhat 1a:

s= ?v(r)dt = Ij:[—%tz +lOtJdt = [—%ﬁ +5t2]
Cau 48. Mot vat chuyén dong trong 3 gid véi van téc v(km/h) phu v4
thudc thoi gian #(h)c6 do thi 14 mot phan cta dudng parabol c6 dinh  g| -,
1(2;9) va truc d6i xiing song song v6i truc tung nhu hinh bén. Tinh

quing dudng s ma vat di chuyén dudc trong 3 gio do.

A. s=26,75km.
C. s=24,25km.

Loi giai. Ham van toc v(r)=ar’ +bt+c

1(2;9) va di qua diém A4(0;6) nén suy ra

‘>v(r):%ﬂ+3r+6(m/s).

1000

0

m. Chon A.

I
™
B. s=25,25km.
D. s=24,75km. g
S S
0 231
c6 dang 1a duong parabol di qua c6 dinh
c=6 c=6
b 2 Sia= 3
2a 4
a2’ +b2+c=9 b=3

Vay quang duong ngudi dé di dude trong khoang thdi gian 3 gid 1a:

3
s= f [—%t2+3t+6]dt =24,75km. Chon D.
0

Cau 49. Mot vat chuyén dong trong 4 gid véi van téc v(km/h)
phu thudc thdi gian #(h) ¢6 do thi cia van téc nhu hinh bén.
Trong khoang thoi gian 3 git ké tit khi bét dau chuyén dong, d6
thi d6 12 mét phén ciia dudng parabol ¢6 dinh 1(2;9) véi truc déi
xling song song vdi truc tung, khoang thdi gian con lai d6 thi la
mot doan thing song song véi truc hoanh. Tinh quing dudng s

ma vat chuyén dong trong 4 git do.
A. s=26,5km.
C. s=27km.
Loi giai. Ham van t6c v(f)=ar’ +bt +c

1(2;9) va di qua diém O(0;0) nén suy ra

—>v(t):—%t2 19¢(m/s). Suy ra v(3)=

v /
/-

II b=t =
[ &
B. s=28,5km. O 234 1
D. s =24km.
c6 dang 1a duong parabol di qua c6 dinh
c = 0 c = 0
b =2 Sia= 22
2a 4
a2’ +b2+c=9 b=9

%(m/s).

Vay quang duong ngudi d6 di dugc trong khodng thdi gian 4 gio la:



9 27
:f[—tz +9t]dt+f—dt =27km. Chon C.
0 4 3 4

Cau 50. Cho d6 thi biéu dién van t6c clia hai xe 4 va B JqJ 7y
khdi hanh cung mot lic, bén canh nhau va trén cung mot
con dudng. Biét @6 thi biéu dién van téc ciia xe 4 1a mot 60
dudng parabol, d6 thi biéu dién van toc cia xe B 1a mot
dudng thing & hinh bén. Héi sau khi di duge 3 giay
khoang cach giiia hai xe 14 bao nhiéu mét.

A. 90m. B. 60m.

C. Om. D. 270m.

L 4

0 3 4

Loi giai. Ham van téc v, (¢)=at’ +bt+c c6 dang la dudng parabol di qua cac diém
0(0;0), A(3;60) va B(4;0) nén suy ra v, (t)=—20¢" +80¢(m/s).

Ham van téc v, (t)=at+b c6 dang la dudng thang di qua géc toa 46 0(0;0) va diém
A(3;60) nén suy ra v, (r)=20¢(m/s).

3
Quéang dudng di duge sau 3 gidy chaxe Ala s, = f —20¢% + 80t dr =180m.
0

3
Quéng duong di duge sau 3 gidy ciaxe Bla s, = fZOt dt =90m.
0

Vay khoang cach giia hai xe sau 3 gidy sé bang: |sA fsB| =90m. Chon A.

Cau 51. Téc d6 thay déi s6 dan ctia mot thi tran ké ti nam 1970 dugec mé ta bing

cong thic f'(r)= LOZ, v6i ¢ 1a thoi gian tinh bing nidm (thoi diém =0 tng véi

(£+5)
nam 1970). Biét rdng s6 dan clia thi tran vao nam 1970 1a 2000 ngudi. Héi s6 dan caa
thi tran d6 vao nam 2018 gan nh4t véi s6 nao sau day?

A. 22 nghin nguoi. B. 23 nghin nguoi.
C. 24 nghin nguoi. D. 25 nghin nguai.
Loi giai. Téc do thay doi s6 dan ctia thi trdn vao nam tha ¢ 1a f/(¢)= ( 120)2 . Suy ra
t+5

nguyén ham caa f'(¢) 1aham s§ f(¢) mo ta s6 dan cua thi tr&n vao nam tha ¢.

Taco f(t) ff t)dt = f 120 dt:7120+C

+5f t+5
S6 dan ctia thi tran vao nam 1970 (ting véi t =0) 1a
FO)=26 B c=260=20—f() =2 +26
0+5 t+5
Vay s6 dan cua thi tran vao nam 2018 (Ging véi r =48) la
—120
48) = —=— 426 = 23,73 nghin ngudi. Chon C.
f(48) 48 +5 & &
Cau 52. Biét téc do phat trién caa vi khudn HP (Helicobacter pylori) gdy dau da day
1000

va ban ddu bénh nhéan c6 2000 con vi khuédn. Sau 15

tai ngay thi ¢ 1a F'(r)=

ngay bénh nhan phat hién ra bi bénh. Héi khi d6 c6 bao nhiéu con vi khuén trong da
day ?
A. 5434 con. B. 1500 con. C. 283 con. D. 3717 con.
Loi giai. Téc do phat trién cta vi khuén tai ngay tha ¢ 1a F/(¢) :210—3_01 Suy ra s6
t

luogng vi khuéin vao ngay thi ¢ dude tinh theo cong thiic



1= [F'(r)d f 1000 4, _ 5001n[2s 11 +C.
+1
Luc ban ddu bénh nhan c¢6 2000 con vi khuédn nén
F(0)=2000 < 5001n[2.0+1|+C = 2000 < C = 2000—— F () = 5001n|2¢ + 1| + 2000.
S6'vi khuén sau 15 ngay la: F(15)=5001n(2.15+1|+2000 = 3716,99 . Chon D.
4000
140,5¢

va lic ddu dam vi tring c6 250.000 con. Sau 10 ngay s6 lugng vi trung 1a (14y x4p xi

Cau 53. Mot dam vi trung ngay thit ¢ ¢6 s6 lugng 1a N (r). Biét rang N'(¢)=

hang don vi):
A. 264.334 con. B. 257.167 con. C. 258.959 con. D. 253.584 con.

Loi gidi. Taco N(r)= [[N'(r)d = fﬂdr_sooo In(140,5¢)+C.

Tai thoi diém ban dau (£=0) thi
N(O) =8000.In14+C =250000 & C = 250000—>N(t) =8000.In (1 +0, 5t)+250000 .
Sau 10 ngay (¢ =10) thi N(10)=8000.In(1+0,5.10)+250000 = 264.334 con. Chon A.

Cau 54. Su tang trudng ctia moét loai vi khudn tudn theo cong thiic
S'(t)=100r.¢' (con/gid) véi r 1a ty lé tang trudng dic trung clia vi khudn. Ban dau c6

100 con vi khuédn. Héi sau bao lau s6 lugng vi khudn ban dau sé tang gap doi. Biét
rang s lugng vi khuén sau 5 gis 1a 300 con.
A. 4 gi635 phut. B. 3 gic 9 phiit. C. 4 gic 30 phut. D. 4 gic 2 phut.
Loi gii. Su tang trudng ctia vi khuén tai gio thit ¢ 1a S'(¢)=100r.¢" . Suy ra s6 lugng
vi khuén vao gio thi ¢ duge tinh theo coéng thiic
t)= [$'(c)dr = [100redr.

S6'lugng vi khuén sau 5 gio 14 300 con nén ta cé:

5
300= flOOr.e‘ «——100r.¢’ —1007 = 300——r = 0,020351.
0

Suy ra thoi gian dé s6 vi khuén ting 1én 200 con la: 200 = f100.0,020351 e
0

——100.0,020351(¢" —1) = 200« £~ 4,597 gid (4 gi5 35 phiit). Chon A.

Cau 55. Nguoi ta thay nuéec méi cho mét bé boi c6 dang hinh hép chit nhat c¢6 do sau
la 280cm. Gia sit A(f) la chiéu cao (tinh bing cm) ciia muc nuéc bom duge tai thoi

diém ¢ gidy, biét rdng téc do ting cta chiéu cao muc nudc tai gidy tha ¢ 1a

h'(t)= %3}1‘ +3 va ldc dau hé boi khéng c6 nude. Hoi sau bao 1au thi nuéc bom duge
% d6 sau ctua ho bai?

A. 3 gic 34 giéy B. 2 gic 34 giéy C. 3 gis 38 giay. D. 2 gic 38 giiy.
Loi giai. Ta c6 A(r fh t)dr = f Jt+3dt = (t+3)3 +C.

Lic ban d4u (tai £ =0) hé boi khong chda nudc, nghla la
7

h(0)=0 3 0+3 3 Cc=0 C 3
=U+———- 3 =U——(C =— .
( ) 2000( - ) - 2000
3 4 3%
Suy ra muc nuéc bom dudc tai thoi diém ¢ gidy 1a 4 (f)=——(¢+3)5 —

2000 2000



o 1 . s 03 A . .
Theo gia thiét, lugng nudc bom duge bang 2 d6 sau cua ho boi nén ta cé:

7

3 3 433

4
— 210 (£+3)3 = 140004,33 —— ¢ = 7234s .

Vay sau khoang thoi gian 2 gid 34 gidy thi bom dudc % dd sau ctia hé boi. Chon B.



O Bai 04
MOT SO PHUONG PHAP TiNH TiCH PHAN

1. Phuong phap d6i bién sé
a) Phuong phap d6i bién s6 loai 1

b
Gia st can tinh tich phan I = ff(x)dx ta thuc hién cac budc sau:

Budc 1. Dit x =u(r) (v6i u(¢) 1a ham c6 dao ham lién tuc trén [o;3], f[u(t)] xac
dinh trén [o;8] va u(a)=a, u(8)=5) va xac dinh «, 3.

Buéc 2. Thay vao, ta c6 I:jf[u(t)].u'(t)dt:jg(t)dt:G(t) 7=G(8)-G(a).

Mot s6 dang thuong dung phuong phap doi bién s6 loai 1

D4u hiéu Céach chon
) i
— x=|alsinr re k)
at—x
x =|a|cost r€[0;7]
lal T
— 1 _TTN{o
_ MO
x—a
x = |a| te[O;w]\{—}
cost
x>+ q° x:|a|tant te %,g]

b) Phuong phap ddi bién sé loai 2
Tuong tu nhu nguyén ham, ta c6 thé tinh tich phin bdng phuong phap d6i bién s&
(ta goi la loai 2) nhu sau:

b
Dé tinh tich phan I = ff(x)dx néu f(x)= g[u(x)].u'(x), ta c6 thé thuc hién phép

d6i bién nhu sau:
Bugce 1. Pat r=u(x)=dr=u'(x)dx.
x=a=t=u(a)
Doi can .
x=b=r=u(b)

u(b)
Budc 2. Thay vaotacé I = f g(t)dr=G(r)
u(a)

2. Phuong phap tich phan tiing phan
Cho hai ham s6 » va v lién tuc trén [a;5] va c6 dao ham lién tuc trén [a;b].

b
— f vdu.

a a

b b
Khi d6: fudv =uy

a

Mot s6 tich phan cAc ham s6 dé& phat hién « va dv



. u= In[g(x)]
In dx Dsat
Dang 1 J £ @mnle(x) v f o)
u=f(x)
5 sinax . sin ax
' Dat
Dang 2 ff(x) cosax dx # dv = |cosax|dx
« eax eax
B sin ax
Dang 3 je“" sinax ; bat cosax
, cosax dv=e¢"dx

Uu tién dat » theo quy tic "nhat log, nhi da, tam luong, tit mii". Tic l1a trong
ham s6 duéi ddu tich phan hgp bdi 2 trong 4 ham s6 trén thi ta d4t # theo thd tu uu

tién nhu trén, con lai thi dat la dv.

===
V&n dé 1.1. PHUONG PHAP POI BIEN SO LOAI 1
. &=,
Cau 1. Cho tich phan 7= [ V16— x?dx va x =4sins . Ménh dé nao sau day dting?

4
A. I=—16fcos2 tdt.
0

®
~
Il

[ee]

(1+cos2r)dr .

D. 1=8| (1—cos2t)r .

o la o%»\a

4
C. 1:16fsin2 rdt.
0

dx =4 costdt
V16— x* =16 —16sin> r = V16 cos’ = 4|cost|

L&i giai. V61 x =4sint, suy ra

x=0—¢t=0
Péi can: .
' x:\/gﬂtzg

T T

i i i
Khi d6 I:f16|cost|costdt:fl6cos2 tdt:8f(1+c052t)dt. Chon B.
0 0 0

va x =2sint. Ménh dé ndo sau day ding?

@
=

S
O
~
Il
OSL‘:H
o,
=~

OHO\\ﬁ

A.I:jdt. B.I:jtdt. C. I=
0 0

dx = 2cosdt
Loi giai. Véi x = 2sint, suy ra )
Ja—x? =\4—4sin*r = 2Jcos? £ = 2|cost|

. . 0
2cost dt:fZCOStdt:fdt. Chon A.
0 0 0

0
Déi can: . Vay I =
' % W 2|cost| 2cost



2
Cau 3. Bién d6i tich phan 7= f J5+4x—x*dx thanh tich phan I= [ f(r)ds véi

o%m\:\

cach dat x =2 —3sins. Khing dinh nao sau day la dung?
A. f(t)=9sin’¢. B. f(z‘)=—9cos2 .

C. f(t)z%(l—i—cosZt). D. f(t)= (1 cos2t).
2
Léi gidi. Tich phan viét lai 7= [V5+4x—»"dx = f JF —(2—x)dx
-1 -1

2—x=23sint x=—1lot=2
Véi x =2 —3sint—— .Déican: {7 2.
dx = —3costdt
x=2—t=0

0 3 2
Khi d6 I:—3f\/9—9sin2t.costdt:3f\/9coszt.costdt:9f|cost|.costdt.
l 0 0

(1+cos2z)dr . Chon C.

o%w\—\

i 9
:9fcosztdt——
5 2

Cau 4. Cho tich phan I =

=3 tant . Ménh dé nio sau day ding?
3 3 3 3

A.I:\/Efdt. B.I:?f%. C.I:gftdt. D.I:gfdt.
L z L ™

Loi gidi. Véi x =+3tant, suy ra dx =+/3(1+tan’ ¢)dz.

X = \/5 — = z
) 1+tan t)der 3
Doi can: 4 . Khidé I = f—) ﬁfdt. Chon D.
T 3tan’ £ +3 34
X = 3 — =— s
3
Cau 5. Cho tich phan I = f—ldx va x = _t Ménh dé nao sau day ding?
sin
z 3
A. I:fsin2 rdt. B. I= f cos? tdt.
i i
2 2
C. 1= [(1+cos2¢)dr. D. 1= [(1-cos2s)dr.
i i
gy — _COSL 4.
Loi Véi sin’ ¢
i giai. Véi x_— suy ra .
& Y [ 1 fcos t |Cost|
x 71 = -
sint sin® ¢ |51nt|
- + |cos] + |cost]
> leHt:E |sin | cost 4 |sin | cost 4
Doi can: . Khidé I = —f - f
T "sin® t “sin? t
X = \/E —f=— T
4 > sin’r 4 sin’r



S|

—fcos tdt_% (1+cos2r)dr. Chon B.

| \w\v

S S)
Van dé 1.2. PHUONG PHAP DOI BIEN SO LOAI 2

=

CAu 6. Cho ham s6 f(x) c6 nguyén ham trén R . Ménh dé nao sau day dtng?

A [ F(x)a= [ F1-x)x B. [ f(x)ar—2[ f(x)dx
C. ]ﬁf(sinx)dx:f]‘f(cosx)dx. D. ff(x)dx:%jf(x)dx

x=1=t=0

Loi giai. Chon A. Pat x =1—¢ = dx = —dr . P6i can .
: x=0=r=1

Suyra]f(x)dxz—ff —l‘dl‘—ff —t)d :ff

0

B, C, D sai. Ta 6 thé chon ham f(x)=x dé kiém tra.
Cau 7. Ham s§ f(x) c¢6 nguyén ham trén (a;6) dong thoi théa man f(a)= f(b).

Ménh dé nao sau day dung?

b b
A. ff'(x)efwdx:O. B. ff'(x)ef()
b ’
C. ff'(x)ef(">dx=—1. D. ff'(x)ef( Jdx =
L(\j- * 2 Dut f( ) d f( )d D‘). x:a*)t:f(a)
i giai. Dat = ,suyra dt= f' . Dé1 can .
g : x y x)dx il PRPSSA
b ) £(0)
Khids [ f'(x)e’dr= [e'dr=e’" ¢’ =0 (do f(a)= f()). Chon A.
f(a)

Cau 8. Cho ham s6 f(x) c6 nguyén ham trén R . Xét cAc ménh dé sau:

(ST

1) fstxf sin x ) dx ZJx.f(x)dx.

2)

3) J:“x3f(x2)dx:%[xf(x)dx

C6 bao nhiéu ménh dé ding?
A 1. B 2. C. 3. D. 0.



ks
1

2 1

Khi d6 2 ['sinx.f (sinx).cosxdx =2 [ £.f(¢)dr =2 [ x.f (x)dx. Do d6 1) diing.
0 0 0

Xét 2) Dat ¢ =e* va két luan duge 2) ding.

Xét 3) Dat r = x* va két luan duge 3) ding.

Vay ca 3 ménh dé déu ding. Chon C.

Cau 9. Cho tich phan I = ff(x)dx . Ménh dé nao sau day ding?

A 1= [[£(x)- F(-n)fx B. 1= [[f(x—a)- fla—x)fix.
C. I:]‘[f(x)ff(afx)]dx. D. I:J[f(xfa)+f(x)]dx

Loi giai. Tacé I = Jf(x)dx = ‘Off(x)der]ﬁf(x)dx.

. r o A x:_a_>t20
Xét J:ff(x)dx. bit x=t-a——dxr=dr. Déicin {x:OHt:a )

Khi o 7= [ f(xix= [ Flt—apit= [ f(x—apix
Vay 1=7+ [ f(xkv— [ f(x—a)iv+ [ (xkx= [[f(x—a)+ f(x)dx. ChonD.

Céu 10. Cho ham s6 f(x) lién tuc trén [a;6] va thoéa f(a+b—x)= f(x) Vx €[a;b].

Ménh dé nio sau day ding?

A. fo(x)dx:b;zf(x)dx. B. Z‘xf(x)M:b;aZ‘f(x)dx

C. ]‘xf(x)dx:(bfa)ff(x)dx. D. ]‘xf(x)dx:(b+a)j‘f(x)dx

a

x=a—t=b

Loi gidi. Dat x =a+b—¢, suy ra dx =—dr . D6i can { .
x=b—t=a

Khi do fxf( dx*—f a+b—t)f(a+b—t)dt:](a+b—t)f(a+b—t)dt

Sla+b-x)=f(x) b b
—f a+b x a+b—x)dx = (a—i—b)ff(x)dx—fxf(x)dx.

a

Suy ra 2fxf(x)dx:(a+b)]f(x)dx—>]xf(x)dx: atb

[ f(x)dx. Chon B.

Cau 11. Cho f(x) 1a ham s6'1é va lién tuc trén [—g;a|. Ménh dé nao sau day dung?

A [ Flx)ax=2] Fx)ar. B. [ f(x)dx=
¢ [ rixae=2[ (). D. [ f(x)dx =2 f(x)ax

Loi giai. Ta c6 ]f(x)dx:ff(x)dx—i—]f(x)dx.

X=—a=t=a

0
Xét tich pha dx . Dit x = —t = dx = —dr . Déi ca
ét tich phan faf(x) it x i can {x—0:>t—0

Do f(x) laham s61é va lién tuc trén [—a;a} nén f(—x) = —f(x) = f(—t) = —f(t).



Khi s [ f(x)de = [ £(-e)at = [[-F(de= [ £(e)de=—[ Fle)ae=— [ f(x)ax

Vay [ £(x)dx—— [ f(x)dr+ [ £(x)dx—0. Chon B.

0

1] 2
Cau 12. Cho f(x) la ham s6'1é va ff(x)dx =2. Tinh tich phan I = ff(x)dx.
2 0

A I1=2. B. 1=-2. C.I=1. D. 1=-1.

Loi giai. Ap dung két qua cau trén, ta ¢6 "Néu f(x) 1a ham s§ 18 va lién tuc trén

doan [—a;a| thi ]f(x)dx =0"

Thay a=2 taduge 0= [ f(x)dx= [ f(x)dx+ [ f(x)dx

-2 0

ﬁ)].f(x)dx = ioff(x)dx =-2. Chon B.

1
CAu 13. Tinh tich phan I = f X7 [x? £ 2017dx.

-1

A. I=0. B. 1=2. C. I=-2. D. I=—

Loi giai. Xét ham s6 f(x)=x""/x’ +2017 1a ham s&18, lién tuc trén doan [-11].
1

Vay I = f x™7\[x* +2017dx =0. Chon A.

-1

Céau 14. Cho f(x) la ham s6 chén va lién tuc trén [—a;a} . Ménh dé nao sau day sai?

A [ Fl)ar=2] f(x)ax. B. [ fx)dx=2[ f(x)ax
C. [ Fx)de= ] Flx)ar. D. [ f(x)dx =0,

a

a 0
Loi giai. Ta c6 ff(x)dx:ff(x)derff(x)dx:A+B.
. e 0
0 = — =
Xét A::l;f(x)dx.Dét x=—t,suyra dx=—dr . D8i can {i;oi_;tzoa.

f(x)chan @

Khi d6 4= —]f(—t)dt: ]f(—t)dt :]f(—x)dx [ f(x)ax=B.

Vay A, B, C dI;ng; D sai. Cil(_)n D. 0 0

Cau 15. Cho f(x) 1a ham s6 chiin va thda man jo” f(x)dx=3.Tinh 1= ]’ f(x)dx.
A 1=3. B. I=2. C. 1:6. D. 1:;13-

1 0
Li gidi. Ap dung két qud cau trén, ta o [ f(x)dx =2 [ f(x)dr=2.3=6. Chon C.
-1 -1
X
x> +1

1
Cau 16. Biét rang I = f dx =1Ina véi a 1a sd thuc duong. Tim a.
0

A a=2. B. a= C.a=+2. D.a=4.

L
5



=0—-r=1
Loi giai. Dat r=x>+1, suy ra dt—Zxdxﬁ»xdx—E Déi can: * - .
2 x=1—¢t=2

Khi d6 I_E E:—In|t| :%InZ:ln\/E—m:x/E. Chon C.
t
1
r o 4x®
Cau 17. Cho tich phan I = f—zdx va t=x* +2. Ménh dé nao sau day ding?
0 (x4+2)
3 1 3
dt dt dt
A.I:4[7. B.I:4[t—2. C.I:[7. D. = f—.

x=0—t=2

Loi gidi. Vi r=x* +2, suy ra dr = 4x°dx . P8i can .
x=1=t=3

3
Khi d6 szd—f. Chon C.
> t

) (x I 2)2017
Cau 18. Tinh tich phan I = f .
1
2018 _ ~2018 2018 _ ~2018
AT =2 B.7-> 2
2018 4036
2017 2018 2021 _ ~2021
= 3 — 2 . D. I :—3 2
4034 2017 4040
+2 2017 1
L&i giai. Taco I = f[ J .7dx.
o =1—-¢=3
bat t:x+2:1+£,suyra dt:—%dx—>£2:—ldt.})610@n * - .
x x x x 2 x=2—t=2
2 2018 |3 2018 2018
KMdéI:—lfﬂ“m f?“m_t ¥ =2 . Chon B.
2 4036 |, 4036
2. 2016
Cau 19. Tinh tich phan 7 = f
Joe +1
2018 2017 2018
A I=0. S c.r-%_. D.1-2
2017 2017 2018

2016 2016 2 2016

2
Loi giai. Taco I = fe ) _fe _deJrf;_de:AJrB.
0

2016

x=—2—t=2

Tinh 4= f dx.Daflt x=—t,suy ra dx = —dr. D6i can {
0 ()06 22016 ¢ 2 2016 x
Khid(’)A:—f%dt: t, .€ dt:fx e dx.
e’ +1 b € +1 | e* +1
2016 & 2 2015 2 x2016.<€x+1) 2
Vay I=A+B= dx: de = [ x26dy
Y f f e’ +1 {
2017 |2 2017
X _'_2_ ChenC.
20170 2017

1
Cau 20. Tinh tich phan I = f(l —xz)n xdx v6i n nguyén duong.
0

1 . B. I= 1 . C.I:L~ D. I= L .
2n+2 2n+1 2n 2n—1

x=0—¢t=1

A I=

Loi gidi. Dat ¢ =1— %, suy ra dt = —2xdx —— xdx :—ldt. Déi can .
2 x=1—1t=0



1] 1 1 | 1
Khido 1= [rde=— [rde=—. = . Chon A.
2 2 2 n+lfo  2(n+1)
. , ; ol 9 ax/;—l .
Cau 21. Két qua tich phan 7= fx\/l—i—xzdx dudc viét 6 dang I = > v6i a, b la
0
cac s6 nguyén duong. Tinh gi4 tri cia biu thic T = a+ 2b.
A T=1. B. T=17. C. T=5. D. T=38.
, x=0—¢t=1
Loi gidi. Dat t =14+ x> = =1+, suy ra rdr = xdx. D6i can .
x:l—u‘:x/f

fras
Khidé I = |2dr=—
1

T=a+2b=8. ChonD.
3 3

N {a=2
N b=3

2
Cau 22. Cho tich phan I = f2x\/x2 —1dx va u=x*—1. Ménh dé nao sau day sai?
1

3

3 2 3
A 1= [Vudu. B.1=[udu. C.I:%uE D. I=23.
0 1

0
x=1—-u=0

Loi gidi. Véi u=x? —1, suy ra du =2xdx . Déi can )
x=2—u=3

2 3
Suyra I = fo\/x2 —ldx = f\/;du . Do d6 B sai. Chon B.
1 0

Céu 23. Tinh tich phan = [ 2% 4y
f o
A. I:(a2+1) a+1-1. B. I:(a2+l)\/a2+1+l.

C. 1:%[(a2+1)\/az—+1+1]. D. 1:%[@@1)@4].

) x=0—r=1
Loi giai. Dat t =+x> +1=¢> =%’ +1, suy ra tdr = xdx . D6i can )
x=a—t=+a +1

N o
x+x X +1 2 Fpe 1y, 3
Khi d6 I = _d = [dr=L =—|(a® +1)a* +1-1|.
f f o xdx [ 3, 3[(01 ) a ]
Chon D.
2
CAu 24. Tinh tich phan I = f x2+/x® +1dx .
0
A 1= B. /-1 c =22 D 1=_22
9 9 9 9

Loi gidi. Dat t=+x’+1=> 1> =%° +1, suyra 2rdr = 3x2dxﬁ>§tdt = x’dx.
3

. Chon C.
1

o =0—r=1 3
Daoi can: * - . Vay :—ft dt_2t
x=2—¢t=3 9

Cau 25. Bién d6i tich phan f

x
o 1++1+x
Khi d6 f(¢) 12 ham s nao trong cac ham sd sau?

A f(1)=27-2t.B. f(t)=r"+t.  C. f(r)=¢F—t. D. f(r)=2+2¢.

2
dr thanh tich phan [ f(r)de véi £ =+I+x.
1

x=0—r=1

Lfiigié'li.Véit:«/l—&—xétZ:l—&—x,suyra2tdt:dx.D5icén{ 3red
X = — [ =



2 2

£ -1 r
dx = 20dr = | (2¢* —2¢)dr. VA t)=2t* —2¢. Chon A.
1+V1+x * [Ht [( ) y f(¢) 0

Khi d6 ]
0

5
y , 1 oG 9
Cau 26. Két qua tich phan I = | ———=dx dudc viét 6 dang [ =a+bIn3+cln5
[1+\/3x+1
véi a, b, ¢ 1a cac s6 hitu ty. Tinh tdng S=a+b+c.
A s=2 B.s—>. c.s=1. p.s-2.
3 3 3 3

Loi giai. Dat t =+3x+1=1¢> =3x+1, suy ra2edt = 3dx —— dx :étdt.

D6i can ¥=l—i=2

M yo5 -4

4 4 4
Khi d6 =2 Ldrzgf[lL]drzz(rmuHD _2 2103 25
39 1+¢ 3 141 3 > 3 3 3
‘wz:i,b:g,c:fgﬁﬁ—é Chon A
3773 3 3
22

Cau 27. Két qua tich phan I = dx dudc viét 6 dang I =aln5+bIn2

x
£x271+\/x2+1

véi a, b 14 cac s6 hitu ty. Tinh téng S =a+b.

A s=—-2 B.S——1. c.s=1, p.s=2
3 3 3 3
2¢dt = 2xdx tdt = xdx
Loi giai. Dat r=+x’+1=>¢ =x"+1,suyra{ , —y
xP=r_1 x =t"-1
PN x:\/§—>l‘:2
Doi can: .
x=232 >t=3
3 3 3
. t t 1 1 2
KhidgbI= | ——dt=| ————dt == | | —+——|d¢t
‘[tz—Z—f—t [(t—l)(t—f—Z) 3ﬂt—1 t+2]
1 P2 a:z
:§@np—u+2mp+qﬂ =35-In2—" "3 —§=—2. ChenB
b=-1
V3 2 2
Cau 28. Cho tich phan I:f H;x dx va =% +1 . Ménh dé nao sau day ding?
L@ x
2 2
N 3.2 N B
B N P A f) D. 1= [H
mt— o+l mi -1 o+l
V3 2 V3
\: a0 . 14+ x ) dx
Loi giai. Tacé I = de= | (x" +1).
[ x’ [( )x2\/1+x2
e dt =— - 12 dx
Véi r— V¥ + N 2x x"+1 i
x
P=2 —2’—1:1+i2:>x2= > >3 +1= 2t
X X -1 -
Déi can .Suyra [ =— | ——dr. Chon A.
x_\/—:>t_ 2 Y 21 '



2
e s alse
Cau 29. Biétrang [ = | ——
‘1[ x1+x°
Ménh dé nio sau day ding?

A.a:f%. B. b= .c=——. D.at+b+c=0.

C
e a1 dx o xldx
Loi giai. Viét lai I_f _f -

AENIES X l+x3.

32

t2:1 3 x =t -1 ) _ _

Pat r=14+2* = +x N 5 . Déican: x=1—t¢ \/5
2tdt = 3x*dx xldx = Etdt _

27 rdt 1 3[ 1 1 ]
Suyra I== | ———== | |————|dt = n——In~—=—-
Y 3:/£(t271)t 3£ t—1 t+1 2 2+1

:félnzféln(372ﬁ) = félnzféln(ﬁfl)z - %mz%m(ﬁq).

1 . 2-1

tl‘3
n—-1 ==
t+1]z 3

W | =
—_

Suy ra a:—%;b:—%;c:O.Ch()nA.

5
Cau 30. Biét ring I:fL:alnfi—l—blnS véi a, beZ. Tinh téng S =a+b.
L x\3x+1
A S=2. B. S=3. C. S=-1. D. s=1.
|
, T3 . x=1-1=2
Loi gidi. Dat r =+/3x +1=¢*=3x+1,suyra Doi ca
2 x=5—-t=4
dx ==t
3
4 4 4
Khi do 7=2 [ ar=2 @ _f[LL]d
3J -1 =1 J -1 r+1

3

:(1n|t—l|—1n|t+l|)‘ :21n3—1n5—>{a ——8=1 ChenD.

4 =2
2

2
Céu 31 Tinh tich phan /= [ 552 i
X
1

2 2
A I=2. B. /-2 C. I=In2. c.r—-1n2
2 2
. =1-t=0
Loi giai. Dat r=Inx, suyra dt:d—x.Dél can: = .
x x=2—t=In2
In2 2 |m2 2
Khi d6 T = [rdr =" ~I""2 ChonB.
v 2o 2

Cau 32. Cho tich phan I = I% va u=Inx . Ménh dé nao sau day dung?
x
1

0
A. I:f(lfu)e”du. B. I= (lfu)e’”du.

(1 — u)ez”du.

o o

1
0

C.I= (lfu)e’z"du. D. I=
/

:aln2+bln(\/§fl)+c v6i a, b, ¢ 1a cic s6 hiiu ty.



L&i gidi. Véi u=Inx, suy ra x .
x=e

du = ldx [dx = xdu = e"du
—_— .

o =l-u=0 __ . rl- 1
Déi can {x U7 Knido I:fl—uuduzf(l—u)e’"du. Chon B.
0 € 0

X=€e—u=

rN1+3Inx dr
x

Cau 33. Cho 7 = f — J1+3Inx. Ménh dé nao sau day la sai?
1

2 2 2
Izgftdt. B. I:thzdt. c.1=2p. p -4
3J 3J 9 | 9
ss  eDs 74 2 3 dx 2
Loi giai. V6i t =+/14+3Inx =¢" =1+43Inx, suy ra tht:—dxﬁ>—:§tdt.
x x
. =l—rt=1 7 2
Péican: |© T Khidé I:EftZdtzgtS —1% Do d6 A sai. Chon A.
x=e—t=2 9 L 9 ’
Cau 34. Bién ddi tich phan 1—d.x thanh ff r)dr v6i t=Inx+2. Khi d6
/ x(lnx+2)
f(#) 1a ham nao trong cac ham s6 sau?
2 1 1 2 2 1 2 1
A. P B. f(t)=—>+=. C. f(t)==+-. D. ft)=—-+-.
=2-1 B p)=-2s2 c =241 b p=-24k
o ar= L [x=1-r=2
Loi giai. V61 t=Inx+2, suy ra x . Doican: .
x=e—t=3
Inx=¢t-2
Khi d6 f Inx 2 f [-i]dt Chon D.
f x(lnx+2

Cau 35. Két qua caa tich phan 7 = f ( o dx dugc viét d dang I =aln2+b véi

In x+1)
a, b 1a nhiing s6 hitu ty. Khing dinh nao sau day 1a ding?

A 2a+b=1. B. i’ +0*=4. C.a-b=1. D.ab=2.
Loi giai. Dat r=1In’x +1, suy ra dr:zlﬂdx—>m—xdx_‘;
X X

x=1—¢t=1
x=e—t=2

Khi d6 I_— E:ll |t|
24 ¢t

A A
Daoi can: {

:—1n2—>a_5 b=0. Chon A.

1
Cau 36. Tinh tich phin I = f xe

0

e

Iy c -1 D. I—e
P

A1=% B. [—
P

N‘+

Loi giai. Dat r=x?, suy ra df = 2xdx —— xdx = %dt.

x=0—¢t=0 1] 1

. Khi d6 Iz—fefdt:l.ef
2 2

0

—¢~! Chonc.
2

Déi can:
’ x=1—t¢t=1

0
In2

CAau 37. Cho tich phan I = fe"\/e" —1dx va t=+/¢* —1. Ménh dé nao sau day sai?
0

1 1 3|1
A.Izzftzdt. B.I:ftzdt. C.I:%
0 0

: p. -2
0 3




Loi gidi. Véi t =ve' —1=1> =e" -1 suy ra 2tdt = e*dx.

=0—¢t=0
x Khi d6 [ — th dr=22" Z2 Dy 46 B sai. Chon B.
=2 —r=1 300 3 '

0

A A
Daoi can: {

2 x
Cau 38. Tim «q, biét I :fze+dx =In aete° v6i a, b 1a cac s6 nguyén duong.
e

ae+b
1 1
A a=—. B.a=—-. C.a=2. D.a=-2.
3 3
e e . x=—1—>t=—-
Loi giai. Dat r =¢*, suy ra dr = ¢*dx. D61 can: e.

x=2—rt=¢"

e & 2 3

Suy ra I:fi:1n|2+t| , =In(2+¢)-In 2+1]:In2+el —m2ete
L2+t < e 24t 2¢+1
e e

——a=2;b=1. Chon C.

sin’ x

¢ * sin x cos® xdx va r=sin? x. Chon khéng dinh ding?

]e’dt+]te’dr .
0

0

Cau 39. Cho tich phéan I =

o%m\:}

A.I:%[e’(l—t)dt. B. I=2

1 1 1 1
C.I=2|¢(1-r)dr. D. I=—|[e'dt+ | te'dr|.
J e

0

Loi giai. Viétlai I = ¢™ * sinxcos® xdx = [ e *.cos® x.sin x cos xdx.

o\m\:\
o\m\:\

. . . . 1
Véi ¢ =sin® x, suy ra dr = 2sinx cosxdx —— sin x cos xdx = ) dr.

x=0—1t=0 1
Déi can - CKhidé I== fe 1—¢)dt. Chon A.
_x:EHt:l 0

HN\:«

Cau 40. Bién déi tich phan ¢™ *sin2xdx thanh f f(£)dr véi t=sin’x. Khi d6

2

/(#) 1a ham nao trong cac ham s¢ sau?

1

A f(t)=¢'sin2t . B. f(t)=e". C. f(r)=¢sint. D. f(t)zae’.
Loi giai. V6i ¢ =sin® x, suy ra df = 2sinx cosxdx = sin 2xdx.
T 1
X=——t=— 1
Déi can 4 2 Khidé I— fe ds. Chon B.
x:£—>l‘:1 1
2 2
Cau 41. (Dl:j MINH HOA 2016 - 2017) Tinh tich phan 7 = fc053 x sin xdx.
0
1, 4 1
A I=—n7 B. I=—7". C. I1=0. D I=—.
4 4
\e a2 . o x=0—1t=1
Loi giai. Dat ¢t = cosx, suy ra df = —sinxdx. Doi can: .
x=m—t=-—1



-1

-1 1 4|1
Khi d6 I:fﬁdt:fﬁdt:tz‘ —0. Chon C.
1 -1

Cau 42. Thuc hién phép d6i bién u =sinx thi tich phan | sin® xcosxdx sé trd thanh

OHN\:}

tich phan nao trong cac tich phin sau day?

B. j‘u“du. A. ]u“\/lfuzdu. C. ]‘u“du. D. jus 1—4*du.
0 0

0 0
S, + 2. 2,0 . RN
L&i gidi. Véi u =sinx, suy ra du = cosxdx. Doi can T
1

Khi d6 I = f u*du . Chon C.

0

Cau 43. Biét rang I = | sin” x cosxdx = é Tim 7.

o\c\\:v

A n=3. B.n=4. C. n=6. D. n=5.
x=0—t=0
Loi giai. Dat ¢ =sinx, suy ra dr = cosxdx. D6i can - )
X=——f=—
2
1 1 anrI
e (2 1 1

ntll, il (nrn)2 ed " on

Céach tric nghiém. Thay 14n lugdt tiing dap an va bam may tinh.

2
Khi d6 I:ft"dt:
0

T

2
Cau 44. Tinh tich phan I = f(l —cosx)" sinxdx .
0

Ar-L B-L. c.r-L. D. 7-1.
n+1 n—1 2n n
x=0—¢=0
Loi giai. Dat t =1—cosx, suy ra dr = sinxdx. D6i can: T
x=——t=1
2
L n+l |1
Khids 7= [rrar="—| =L ChenA.
0 n+1llo n+l
g 3
Cau 45. Tinh tich phan I:fsian(lJrsin2 x) dx .
0
4
AT=2 B. -2 c.r=-3 p. =L
64 4 4 4
Loi gidi. Dat ¢ =1+sin” x, sauy ra df = 2sin x cos xdx = sin 2xdx.
x=0—t=1 2 AP 15
Déi can: - . Khi d6 I:ft3dt:— —-2. Chon B.
x:—ﬂtzz 1 41 4
sin2x

Z
Cau 46. Cho tich phéan I = f dx va r=+/1+cosx. Chon khing dinh dung?
0

1+ cosx
1 1

37 o 3
A.I:fudt. B.I:f4t L

w ! w !




V2 V2
C.1=4[(r~1)a. D. 1=—4 (£ ~1)d
1 1

1+cosx

.
. 2
sin2x f COS X. smx
1+cosx 0

3
L&i giai. Tich phan viét lai I = f
0

. —t —1 :l’z—l
V6i =T+ cosx = 1 =1+ cosx, suyra { - L jeosx '
2rdt = —sin xdx sin xdx = —2dt

xZOHt:\/E 21 V2
Dican: | Khidé I= (~2¢ds)= ~4 [ (#* ~1)dr. Chon D.
x=——t=1 A 1
2
o 6tan x .
Caud7.Cho [ = | ————————dx va u=+/3tanx +1. Ménh dé nao sau day ding?
" “Ofcoszx«/Stanx—i—l rve ¥ ' nao sat Cay cune
47 47
A. 1:§f(2u2+1)du. B. 1:3[(u2+1)du.
47 47
2 2
C. I:EI(LL ~1)du. D. 1=§[(2u ~1)du.

1
6tanx =2u’ —2
Loi giai. Véi u=+3tanx+1=u" =3tanx+1, suyra { 4y 2

—=—udu
cos“x 3
x=0—u=1 2 5 2 2
o 2 r2u” -2 4

Doi can .Vay I== | =——=udu=— | (4* —1)du. Chon C.

=l y=n W 3! u 3f( ) :
Cau 48. Cho s6 nguyén duong a thda méan fﬂdx =In#/3. Ménh dé nio sau

o 1+2sin2x
day ddang?
A.ac l;3]. B.ace 3;1]. C.ae Z,g] D.ac 2,2]
2 2 22 2 2

L&i giai. Dit ¢ =sin2x, suy ra dt =2cos2xdx——cos2xdx = %dt.

¥=0=1=0 1 A1 "
Péican | 1 2r . Khidé I= ——mf2r+1|| ==Inj2m+1.
XxX=——t=sin—=m 2+ 2t+1 4 o 4
a a

Theo gia thiét ta cé iln|2m+1|:1n(‘/§(:)iln|2m+l| :iln3(:>|2m+1|=3<:> lmZI
e —

® Véi m:—2—>sin2—7r:—2 (loai).

a
. =0
o Vi m=1——sin2 =1l =T i eam 4w . Chen C.
a a 2 1+4k *¢ a=4 :
R » . X _ n (1—'c.amx)5 1 . . . .
Cau 49. Cho s6 nguyén duong n thoa man f—zdx :g- Ménh dé nao sau day
, Cos’x

ding?
A. nelL;2). B. ne(3;4]. C. n€[56). D. ne[7;8].



x=0—¢r=0

Loi gidi. Dat t =tanx, suyra dr = —. Déi can T T .
Ccos” x XxX=——t=tan—=m
n n
: ¢ 5 (1—ef|" 1-(1-m)°
Khi do 7= [(1-¢)dr=- = :
0 6 o 6
. 1—(1—m)’
Theo gid thiét ta cé %z%@m:l.
. k=0
Véi m=1——tan"=1e =" tron=—2 w2, . Chon B.
n n 4 1+4k ¢ =4

Cau 50. C6 bao nhiéu s6 thuc a thudc khoang (0;207) sao cho fsins xsin 2xdx :%-
0

A. 20. B. 19. C. 9. D. 10.

Loi gidi. Taco I = fsins xsin2xdx = fZ sin® x.cos xdx.
0 0
x=0—t=0

Dit r =sinx, suy ra dr = cosxdx. D6i can: . .
x=a—t=sina=m

m m 7
Khi d6 1:f2r6dr:3t7 _2m
b 7 o 7
co 1 n . 2m’
Theo gia thiét ta c6 :7<:>m:1.

Véi m:1—>sina=1©a=g+k27r.

Vi a €(0;207) nén O<%+/€27r<207r<:>—%</€<10ﬂ>k6{0;1;2;3;...;9}

—— ¢6 10 gi4 tri cha k—— c6 10 gia tri caa a. Chon D.
Cau 51. Cho ham s6 f(x) ¢6 dao ham lién tuc trén doan [2;4] va théa man f(2)=2,

f(4)=2018. Tinh 1= [ f'(2x)dx.

A. I=-1008. B. 1=2018. C. I=1008. D. 1=-2018.

o =1—t=2
Loi giai. Dit r=2x, suyra dt:2dx—>dx:ldt. Doi can: ¥ .
2 x=2—t=4

¢ 1

=217 (4)- £(2)] = (2018 -2) = 1008,

Khi d6 I:ff’(Zx)dx:%ff’(t)dt:%.f(t)2 :

Chon C.

N ; R 6 2
Cau 52. (PE CHINH THUC 2016 - 2017) Cho [ f(x)dx=12. Tinh I = [ f(3x)dx.
0 0

A I=2. B. I=4. C. I=6. D. 1 =36.
NI 1 o x=0—t=0
Loi giai. Dat r=3x, suyra dt:3dx—>dx:§dt. Doi can: PEPL

X=2—=f=

6
Khi d6 1:%[f(r)dr:§.12=4. Chon B.

b
Téng quat: Néu ff(x)dx =k thi (mx)dx = ﬁ
m

NI
\,\



2017

1
Cau 53. Cho ham s6 f(x) thoa man f f(x)dx=1. Tinh I = ff(2017x)dx.
0 0

A. T=2017. B. I—0. C.I=1. D.I=—L_.
2017
Loi giai. Dat +=2017x, suy ra dft =2017dx ——dx = —— d
2017
Déi can ¥=0-1=0 .
1= 2017
2017 2017
Khi d6 [ = ——. — L ChenD.
T ff 2017ff 2017 2017 n

9
Cau 54. Cho ham s8 f(x) lién tuc trén R va f f(x)dx =1, [ f(x)dx=2. Tinh gi
0

1

tri ctia biéu thic [ = f ]—1— f(3x)|dx
A =4 B. [=—4. C.1=9. D.I=-9.
1 9 9
Loi gii. Tir gia thiét ta c6 ff dx+ff —ff(x)dx:1+2:3.
3
J+f3x v = [ f ]dx—i—ffo
0

® Xét ff[g]dx.Dét t:%, suy ra dtzgdx—@x:sdt.
0

x=0—¢t=

. Khi d6 ff

Déi can
x=3—-t=1"

]ax:3]“f(f)dt:3]“f(x)dx:3.1:3.

o Xét ff(3x)dx. bat u=3x, suyra du:3dx—>dx:%du.
0

x=0—u=0

T 1 1
o Khi d6 [f(3x)dxZE{f(u)duZE{f(x)dx:

Vay I=3+1=4. Chon A.

Déi can «[ 3=1

W | =

x=3—>u=

o%m\a

Cau 55. Cho ham s6 f(x) lién tuc trén R va théa man [ f(x)dr=4. Tinh tich

o%ux\:

phan I = [f(Zx)—sinx]dx.
A.I=2+%- B.I:S—g- c.1=1+g- D.I:Z—%-

4

4 4
Ldi gii. Ta c6 sz[f(zx)—sinx]dx = [ f(2x)dx— [ sinxdx,
0 0

1
® Tinh J = f 2xdx bat r=2x, suyra dt-2dx—>dx—dzt
0
=0—r=0 * 17 1
Déi can Khidé J == t)de == x)dx==4=2
; x:ﬁ r=1 2{’00 2[f() 2

4 2



sinxdx = —(cos x) ;

NG

Vay I=J—K=1+7. Chon C.

® Tinh K =

o%nm

4
Cau 56. Cho ham s§ f(x) lién tuc trén R va thoa méan ff(x)dx =2. Ménh dé nao

sau day sai?

2 3
A [F(2x)dx=1. B. [ f(x+1)dx=2.
J J
2
C. ff(zx)dxzz. D. [f(x-2)dr=2.
0
L&i giai. Xét tich phan ff 2x dx. Dat t=2x, suy ra dt—de—>dx_%d
Béican I~ 17572 Khids ff (2x)d f £)de = —ff L,
T lx=2-1=4 B 27
Suy ra A dung, C sai. Chon C.
3
Bding vi [ f(x+1)dx—=1 ff
-3
6
D ding vi ff(xfz)dx&ff(r)dr:
0 -2
2017 2017
Cau57. Cho [ f(x)dx=2. Tinh tich phan 7= [ f(2018—x)dx.
1 1
A I=1. B.I=2. C.1=3 D. =5
Loi giai. Dt 1 =2018—x, suy ra dx = —dr. Déi can {leﬂt:zon.
x=2017— =1
2017 2017
Khidé I=— | f(¢t)dr= | f(r)dt= | f(x)dx=2. Chon B.
f / /
Cau 58. Cho ff(Sx—l)dx:ZO. Tinh tich phan szf(x)dx
1 2
A. 1=20. B. I =40. C. 1=10. D. 7=60.

) =2—-t=1
Loi giadi. Dat x =3r—1, suy ra dx = 3ds. Doi can * )
x=5—-t=2

Khi do 1= [ f(x)dx=3[ f(3t~1)dr =3[ f(3x—1)dx=3.20= 60. Chon D.

1 1
1
3
Cau 59. Cho ham s§ f(x) lién tuc trén doan [0;1] va théa méan ff(x)dx:l,
0

1
f(2x)dx =13. Tinh tich phan I = fxzf(xS)dx.

0

c\\»—‘\w\'—

A. I=6. B. I=7. C. I=8. D. 71=09.

Loi gidi. Xét [ f(2x)dy =13. Dt r=2x, suy ra dr = 2dx ——dx = dr.

@‘_SN"—



le—w‘:l % 11 1
Déican{ © S Knido [f(2x)dx=136 [f()dr=13 [ f(r)dr=26.
1 1 21 1

Xét tich phén cin tinh [ = fxzf(x3)dx.
0
x=0—-u=0

Dit u=x°, suyra dt:3x2dx—>x2dx:ldt. Déi can .
3 x=1—-u=1

1

1
1} 1 1|3 !
Khidé I =— [ f(f)dt =~ - 1+26) 9.Chon D.
st frsoe 4 s s
3

9
Cau 60. Cho ham s6 f(x) lién tuc trén doan [0;9] va thoéa man ff(x)dx:729,
0

s

2
f(x+6)dx =513. Tinh tich phan I = [ f(3x)dx
0

A. I =414 B. I1=72. C. I=342. D. I =216.

3
Loi giai. Xét ff(x+6)dx:513. Dit t=x+6, suy ra dx = dr.
0

x=0—¢t=6

Déi can
) x=3—1t=9

3 9
- Khidé [f(x+6)dr=513 [ f(r)dr=513.
0 6

2
Xét tich phén cin tinh [ = ff(Sx)dx
0

0 =0—-u=0

Dat u=3x, suyra du:3dx*>dx:ldu. Doi can ¥ . .
3 x=2—-u=6

6

Khi d6 I:%.]f(u)duz%.]‘f(x)dx:— x)dx+[f(x)dx

f dxff

Cau 61. Cho ff dx = a. Tinh tich phéan I = fxf x —|—1)d
1

729 513)=72. Chon B.

A. I=2a. B. I=4a. C. I=

Loi gidi. Dat £ =x" 41, suy ra df = 2xdx —— xdx = %dt.

x=0—t=1 17
Déi can { - Khi do I:E.[f(t)dt:

x=1—t=

2
Cau 62. Cho [ f(x)dx =2016. Tinh tich phan 7= [
1

ﬁ.f(\/wwrl)dx.

A. I1=2016. B. I =1008. C. I =1344. D. I =3024.
Loi gidi. Dat t =+3x+1=1¢> =3x+1, suyra 2tdf =3dx——dx = %tdt.

2

x=0—1r=1 Khi dé 7 2 ]f(t)dt sz( )dx 2 2016 =1344. Chon C
. Khi == =—. x)jax =-. = : ‘
3 3 3 '

Déi can
x=1—-t=



2017 2017 ¢

Cau 63. Cho [ f(x)dx=2.Tinh tich phan [ = ) dx.
0
A. I=1. B. I=2. C. I=4. D. 71=5.
2xdx xdx dr

Loi giai. Pat r=In(x*+1), suyra dr= =

& ) ( ) y x* +1 ¥4+1 2
DE; o x=0—t=0

01 can:
Tl =Ne -1 51 =2017
12017 2017
KhldoI:Eff(t) ff :—2_1 Chon A.
f(Inx)

Cau 64. Cho ham s6 f(x) lién tuc trén R va théa méan f dx =e. Ménh dé

nao sau day dung?

A [(ax=1 B. [(®)ar=e.  C [(as=1.  D. [(x)dr=e

Loi giai. Diat r=1nx, suyra dt_dx Déi can: {x_lﬂt_o.
x x=e—t=1
o e f(lnx) 1 1
Khi d6 e = [ dr= [ f(r)de= [ f(x)dx. ChonB.
1 0 0

1 i
Cau 65. Cho [ f(x)dx =2017. Tinh tich phan I = [ f(sin2x)cos2xdx,
0 0

A T=—2. B. 72017 C. 1=2017. p. 71— 207

2017 2 2

L&i giai. Dat ¢ =sin2x, suy ra df = 2cos2xdx —— cos2xdx = %dt.

xZOHtZO 1 1
o . de 1 1 2017
Do6i can .Khid6 I = t)—=— x)dx ==2017=——. Chon B.
Tlr=l =1 [f()z 2ff() 2 2
z B
Cau 66. Cho I:fcosx.f(sinx)dx:2017. Tinh tich phan J:fsinx.f(cosx)dx.
0 0
A. J= 20217 B. J=-2017. C. J=2017. D. Jz—g.
Loi gidi. Dat £ =cosx, suy ra df = —sinxdx ——sinxdx = —d¢.
x=0—1r=1 0 1
Déi can .Khid6 J=- t)dt = t)de
o P - [f() [f()
t=0—u=0
Tiép tuc ta dit r =sinu, suy ra dr = cosudu. D&i can .
f=1—u=—
2
B 2
Khi dé I= f sinu)cosudu = fcosx.f(sinx)dx:2017. Chon C.
0 0
f(tan2x)
Cau 67. Ch d =2017. Tinh tich phdn I = | ————=
u 0 ff x inh tich phan f1+cos4x
A 1=207.  B. =27 c. =27 p. 1=297,

2 4 8



(tan2 5 f(tan2
Loi gidi. Vidt lai I = fa—nx)dx_ f(a—nx)

\ 1+cosdx B ) 2cos’ 2x
bat r=tan2x, suyra dt = % dx = d)g :ldt
cos” 2x 2cos”2x 4
x:O—)t:O 1 1
o . 1 1 2017
Doi can .Khidé I=-=. t)dt=—. x)dx =——. Chon C.
o e e L e e

| —

1
2
Cau 68. Cho ham s6 f(x) lién tuc trén R va ff(x)dx:3 ff(Zx)dleo. Tinh
0 1
4

tich phan I = | cosx.f (sinx)dx.

OHN\:

A 1=23. B. 7=10. C.1=38 D. =7
P
Léi gidi. ® Xét tich phan [ f(2x)dx =10.
1

4

=
I
!
I

N —

Dat r=2x, suyra dt =2dx——dx = %dt. Déi can:

R
[
!
<
[
—_

[N e

Khi d6 10 = :%ji" dt*lff £)dr =20 hayff )dx = 20.

2

A\—‘SN\—‘

N)
Ny

o%m\:}

® Xét tich phan I = | cosx.f(sinx)dx.
x=0—u=0
it u =sinx, suy ra du = cosxdx. Do1 can T
x=——u=1
2
1
1 1 2 1
Khid6 1= [ f(u)du= [ f(x)dx= [ f(x)dx+ [ f(x)dx=3+20=23. ChonA.
0 0 0 %
Cau 69. Cho ham s6 f(x) lién tuc trén R *}f(t )dx 4]x2f(x)dx 2
au . 0O ham sO X len tuc tren va an x = = 4.
’ 4 ’ 4 x*+1
1
Tinh tich phan 7= [ f(x)dx
0
A. T=6. B. =2 C.1=3 D.I=1.

[E]

4
Loi gidi. Xét [ f(tanx)dx =4,
0

Dat t=tanx, suyra dr= 12 dx:(tanszrl)dx—»dx: dtz.
cos” x 1+t
x=0—-t=0 i | i
o s . OGN A )
Déi can: Tt Khi d6 4_[f(tanx)dx_‘[t2+ldt_{x2+ldx



1

1
Tit d6 suy ra I:ff(x)dx:f
0 0

1 2
/(%) dx+fx2f(x)dx:4+2:6. Chon A.
x°+1 y X +1

™

4
Cau 70. Cho ham s§ f(x) lién tuc trén R va thoa mén ftanx.f(cosz x)dx:l,
0

g 1 2 2 2
de:l. Tinh tich phan szde.
xInx X
4
A T=1. o = C.1=3 D. -4

\ﬁw

4
Loi giai. e Xét 4= ftan x.f(cos2 x)dx =1.D4t t =cos’ x.
0

Suy ra dt = —2sinxcos xdx = —2 cos” x tan xdx = —2¢.tan xdx —— tan xdx = —%.
t
x=0——r=1
Déi can: T .
X=———l=—
1
2 t 1 t 1 1
Khidé1=A:—lfmdt:lfmdt=lff %) 4 ffx)dxzz
249t 2yt 29 x X
2 2 2
“ f(ln®x
o Xét B:fdezl. Dit u=1In’ x.
) xlnx
2
Suy ra duZZInxdeZIn X 4y — 2u M dx :d_u.
x xInx xInx xlnx  2u
, —e——u=1
Doi can: ¥ ez . .
x=e¢ ——u=4
4 4 4
Khidél:B:lfMdu:lff(x)dx ff %) e —2,
249 u 29 x X
2
. 2
e Xét tich phén can tinh I:fde.
x
2
dx:ldv _ 1
< 2 o X=———V==
Dat v=2x, suyra . Doi can: 4 2.
v
¥ =— x=2——v=4
2
4 4 1 4
Khi d6 I:ff(v)dv:ff(x)dx:ff x)derfde:ZJrZ:é Chon D.
v X X X
2 2 2

. (V) :
Cau 71. Cho ham s6 f(x) lién tuc trén R va f dx =4, ff(sinx)cosxdx =72
0

y Vx
3
Tinh tich phan 7= [ f(x)dx.
0
A 1=2. B. I=6. C.I=4 D. 7=10.

9f\/;
L(‘iigiéi.OXétf( )dx:4.D€1tt:x/;:>t2:x, suy ra 2tdt = dx.

L Vx




x—1—>t—l "’f

x=9—¢t=3

ff( 2dt—>ff

A A
Doi can {

3
® Xét ff(sin x)cosxdx =2. Dit u =sinx, suy ra du = cosxdx.
0

x=0—-u=0 3 1
Déi can x:%—m:l' Suy ra 2z[f(51nx)€05xdxz[f(t)dt

<
Qo>
‘<
%
||

1
[f dx—i—!f x)dx = 4. Chon C.

X

Cau 72. Ky hiéu F(x) la mot nguyén ham cta ham s& f(x):e— trén khoang
x

(0;+00).
A. I=3[F(2)-F(1)]. B. I=F(6)-F(3).
F(6)—F
C. I:M. D. I=3[F(6)—F(3)].
|dt:3dx dr = Lar
ne et Ty 3 o . |lx=1e1t=3
Loi giai. Dat r =3x, suy ra t — . Doi can { .
3 xX==
3
Khido 1= <%~ [€ar= [€av=r(x| =F(6) F(3). ChonB.
PP 3 X 3 )
3
Cau 73. Ky hiéu F(x) 12 mot nguyén ham cua ham s§ f(x)= COSX tren khoang
X
(0;+00) . Tinh tich phan I = fcoszxdx.
A. I=2F(8)-F(2). B. I=2.F(8)+F(2).
C. I=2.F(8)-2.F(2). D. I=2.F(8)+2.F(2).
dr =2dx dx:ldt el ie=2
Loi giai. Dit = 2x, suyra r — . Déi can { B -
X =— t x=4—t=28
2 x==
2
cost dt 1 cost cosx T cosx ’
Khidé6 I = = dx=2 dx =2.F(x)| =2F(8)—2F(2).
f -/ f % (6 =2F(8)-2r(2

2
Chon C.
Cau 74. Cho ham s§ f(x) c6 dao ham lién tuc trén R va f(2016)=gq, f(2017)=0
2016
(a, b€ R). Tinh tich phan 1=2015 [ f'(x).f™" (x)dx.
2017
A. I — b2017 _a2017. B. I — a2016 _b2016.
C. I — a2015 7b2015. D. I — b2015 7a2015'
x=2016 — ¢ = f(2016)=

Loi giai. Dat r= f(x), suy ra dr= f'(x)d(x). Déi can x:2017—>t:f(2017)=z.



Khidé I = 2015.ft2°”dt = tzms a® — b, Chon C.
b

b

2 1
Cau 75. Cho ham s& f(x) lién tuc trén R va [ f(x)dr=3. Tinh 1= [ f(|24])dx
0 -1
A 1=0. B.J:% C.I=3. D. -6

Loi gidi. Taco I = ff |2x]) dx ff |2x]) dx—l—ff |2x])dx

x=—1—-1t=1
x=0—¢t=0"

Xét ff(|2x|)dx. Dat x =—¢, suy ra dx = —dr . Déi can {
Khido [ f(|24])dv = [ f(|~2¢)de = [ f(|-2d)de = [ f(|2¢])de
Dods =2 [ f(|2+])dr =2 [ f(2x)dr (i 24 >0,¥x €[0;1)).

1
Bay gid ta cAn tinh 7 =2 f £(2x)dx. Dt u=2x — du=2dx.
0

, —0—u=0 2 2
Déi can: {x U7 Knhi do 1= [ f(u)du= [ f(x)dx=3. Chon C.
0 0

x=1—-u=2

0
S

CH PHAN TUNG PHAN

o\

Van dé 2. PHUONG PHAP T

§
@

2
Cau 76. Tinh tich phan I = fln xdx.
1

A. I=2In2+1. B.I=In(4—¢). C. I=In4—1logl0. D. I=In4e.
N u=Inx du:2
Loi giai. Dat = x .
dv=dx
v=x
2 2 2 2
Khi dé I =xlnx —fdxzxmx —x| =2In2—1=In4—1logl0. Chon C.
1 1 1

Cach 2. CASIO C6 2 cach b4m, cu thé nhu sau:

2
® Bam truc tiép tich phan f Inxdx va so sanh véi cac két qua & cac dap an.
1

2

® Thiét lap hiéu, vi du véi dap 4n A ta bam fln xdx —2In2—1. Néu man hinh hién
1

s6 0 thi dap an dé6 ding.

2
Cau 77. Két qua ctia tich phan [ = f In(x+1)dx duge viét 6 dang I =aln3+bIn2+c¢
1

v6i a, b, ¢ la cac s6 nguyén. Tinh P=a+b+c.
A. P=0. B. P=1. C. P=2. D. P=3.
u=1In(x+1) du:i
= x+1.
v=x+1

Loi giai. Dat
dv=dx



2 2 2 2

Khi d6 1 =(x+1).In(x+1) — [dr=(x+1)In(x+1) —x
1 1 1 1
a=3
=3In3-2In2-1——{b=-2—-P=0. Chon A.
c=-—1

2
Cach 2. CASIO Tinh tich phin I = fln(x + l)dx r6i luu vao bién A.
1

A

Khi d6 a1n3+b1nz+c=A<—>1n(3“.2b.ef)=1ne" 3000 — et 320 =

c

€A

Dé tinh duge 3°.2° ta st dung chiic nding MODE 7 v6i ham f(X)=—.
e

Véi thiét lap Start —9, End 10, Step 1 (do a, b, ¢ 14 cac s6 nguyén).

D& thdy véi X =c=—1 thi 3°2° :6.75:2747:33.2’2%a:3;b:72.

e

Cau 78. (PE MINH HOA 2016 - 2017) Tinh tich phan 7 = f x In xdx.

1

2 2 2
A T—1 B. -2 c.r-2*t p. ==L
2 2 4 4
u=Inx du_%
Loi giai. Dat | *
dv = xdx _x2
2
. PXlnx|® 1 Pl s |
Khi d6 I = ijlﬁxdeT*T]: ;- ChenC.

Cau 79. Két qua cta tich phan I = fxln(Z +x2)dx duge viet 6 dang I =aln3+bIn2+¢
0
v6i a, b, ¢ 1a cac s6 hitu ti. Tinh téng S=a+b+c.

A S=0. B.S=1. C.S:%. D. S=2.
2x
du = dx
—1In(2+ 2
Lo giai. Dat | n(2++") 2t .
dv = xdx V:x_+1:2+x
2 2
2 1 1 2|1
Khi do [ = 2+% In(2+x%) —fxdx:§1n3—1n2—x— 33 m2- L.
0 2 210 2 2

Suy ra a:%, b=-1, c:f%%S:aquJrc:O. Chon A.
2

Nhan xét. Chic c6 ban doc khong hiéu tai sao chd dv:xdx—w:x?—i—l. Vi ta

2
thuong lam dv = xdx ——v = % . Sao lai cong thém 1 & day? Ta biét rang cac nguyén

ham sai khéc nhau hdng s6 nén ta cong thém hing s 14 bao nhiéu ciing duge. Vay
v&n dé 14 sao khong cong s6 khac ma 1a s6 1. O day s6 1 dude thém vio dé tao ra
lugng ma rut gon duge, cu thé d6 1a luong 2 + x2.
)
Cau 80. Cho hai s6 nguyén duong «, b théa man f(x+1)ln(x—3)dx:51na“ 7%.
4

Tinh S =a+b.



A. S=4. B. S=6. C. §=8. D. §=0.

u=1In(x-3)

5
L&i oi 9 i. Tinh I = +1 1 —3)dx. Dat ’
lglal 1n [(x ) n(x ) 4 dv:(x_l’-l)dx V:—x -+ :x2+2x

[%Z—i-x .In(x—3)]

Tinh J = fo Jrixdx f

Vay 7. 35In2 1, 35m2_1(19
2 2 2 2 2
Suyra a=2;b=4——S=a+b=6. Chon B.
1
Cau 81. Két qua cua tich phan I :fxln(Zerl)zmdx dudc viét 6 dang I :%1n3 véi

0

Khidé I =

5 5.2
_fx +2xdx 351n2__fx +2x
4 (x—3)
19

5
+5+—]d = +5x+151n|x—3| =—+15In2.
2 4 2

19 19

+15In2 —101n2—z_ 5In2? ——=

phan s6 % t61 gian. Tinh tong a +b.

A. a+b=6057. B. a+b=6059. C. a+b=06058. D. a+b=06056.

1
Li gidi. Taco 1= [xIn(2x+1

0

1
dr =2017 [ xIn(2x +1)dx.

)2017

2

1 u=1In(2x+1) du:2x+1dx
Tinh J = [xIn(2x+1)dr. Dat {d L= :
V= X X

0 p=2_

2
oK 1 ¥ 1,11
f dx==In f[ SRR du
) 2x+1 2 ) 4 47 2x+1

:lln3flln3zéln3.
2 8 8

Khi d6 J_T In 2x+1

:lln3 1xflx+ 1n|2x+1|]
2 4 4

= 6051
6051 {a — a+b=6059. Chon B.

Suyra I =2017.J =——In3——
8 b=38

2
Cau 82. Cho g, b, ¢ la cac s6 nguyén duong théa man fxz In x.dx :%mzfg voi %
1

12 phén s6 t8i gian. Tinh gia tri biéu thic T = a® + % +¢° —2(ab+bc —ca).

A. T =252. B. T —144. C. T=-16. D. T = —252.
du—ldx
Loi giaibat 1“ - o x
T ldv = x%dx x°
y=—
3
7 P 2 17 8 2 8 7
Khi d6 fxz Inx.dy =% Inx ——fxzd B Lo 28 T
/ 3 3 3 97 |, 3 9

——a=8,b=3;c=7——T =144. Chon B.

3" +1 .

Cau 83. Gia su = fx3 Inxdx = v6i a, b 1a cac s6 nguyén duong. Trong céc

khang dinh sau, khang dinh nao ding?
A. ab=64. B. ab=46. C.a—b=12. D.a-b=4.



du =—dx
Loi giaibat 1“ - o x
T ldv=xdx V_x_4
4
4 ¢ e 4 4| 4 4 4
Khido 1= X 2%|" 1 [pgy € X e 1) Set]
149 4 16,1 4 16 16
Suyra a=4; b=16. Chon A.
Céu 84. Biét 1= [ ¥ g =1 1102 Gid tri ciia o bing:
X 2 2
A a=2. B.a=n2. C.a=4. D.a=38.
u=Inx du:d—x
Loi giai. Pat dx = *
dV:—2 1
X V=-—
X
Khi d6 T — _ln_xJ +f%2:_1n_“_l __Ina 1,
x ), 94 a x| a a
Theo gia thiét I:lflln2®71n—a71+l:flln2+l‘>a:2. Chon A.
2 2 a a 2 2

Cach 2. CASIO Thiét lap hiéu f ln—zxdx—%—i-%an va bai toan cAn tim a dé hiéu
X
1

Inx 1

n2 dx75+%ln2 vao may tinh CASIO va
x

2
bang 0. Thi véi a=2, ta nhap hiéu f
1

nhén ddu &). That may min man hinh xuét hién s6 0, ta chon A. Néu man hinh
khéng xuit hién s6 0 thi ta thi téi dap an B.
Cau 85. Xét I, = flnﬁdx v6i k 1a s6 nguyén duong. N&u I, <e—2 thi tdng cac gia
x
1
tri cia # bang:
A. 3. B. 5. C. 7. D. 9.

e k € e €
Loi giai. Tacé I, = [ In—dx= | (Ink—Inx)dx=Ink | dx— | Inxdx.

Jimae=] Jem]

"=(e-1)Ink.

1

e A=Ink|dx=Inkx
/

dx
¢ =1 du =— e ¢ e e
OB:fInxdx.Dét {u e " x —— B=xlnx —fdx:xlnx —x| =1.
1 v=dx b x LY ) )
Dod6 I, =A—B=(e—1)lnk—1.
Theo gia thiét, ta c6 I, <e—2 < (e—1)lnk—1<e—2
&(e—l)nk<e-1ohnk<lek<e—“—k={1;2}. ChonA.
1
CAu 86. Tinh tich phan 7 = f x2%dx .
0
A IZZInf—l. B y_2mn2-1 o 1221n§+1. D _2m2+1
In“ 2 In2 In”2 In2
du =dx
Loigidi. Dat |- =] g
Tldv=2%dx " |v="-'

In2



1

x2*
In2|o

IiL xzx 1 2x

m2J =7 T2,

x

' 2In2-1

Khidé I= 2 2
In” 2o In“ 2

. Chon A.

1
Cau 87. Két qua tich phan I — f (2x+3)e*dx duge viét dudi dang I —ae+b véi a, b 1a
0

cac s0 hitu ty. Khang dinh nao sau day 1a ding?

A a—-b=2. B. o’ +b° =28. C. ab=3. D.a+2b6=1.
e o 1u:2x+3 {du:de
Loi giai. Dat = .
v=e'dx v=e¢"

1 1

—2e"

0

1
=3e—1.

0

Khi d6 I =(2x+3)e"

f 2¢*dx = (2x+3)e"

Suyra a=3, b=—1. Chon D.

In2
CAau 88. Cho g, b, ¢ 1a cac s6 nguyén duong va c=1 thda fxe’z"dx :l[g—ﬁ]
5 a c
Tinh gi tri biéu thtc T = abc — (ab+bc+ca).
A. T =24 B. T =6. C. T=-2. D. T=09.
. du=dx
Loi giai. Pat | = o
T ldv=eFdx y=—"e
2
i m2 In2 1 ,.|" 3 In2
Khi d6 fxe’zxdx ——xe o +—fe ———e’zx ———
5 o 24 4 0 16 8
:l[é_ﬁ a=4;b=3;c=2—T =-2. ChgnC.
44 2

1
Cau 89. Cho gq, b, ¢ 1a cac s6 nguyén théa man f3emdx 56 +ze+c Tinh gia
0

tri cia biéu thic T = a+§+£~

3
A. T=6. B. T=09. C. T =10. D. T =5.
\r 225 Tax 2 o . |x=0=>t=1
Loi giai. Dat r =14 3x = ¢° =1+ 3x = 2¢dr = 3dx. D61 can fea
X = =
. z u=2t du = 2d¢
Khi d6 =2 [re'de . Dat = .
4 dv=¢'ds v=¢
5 5 5 ) a=10
Suy ra I =2t —2fe’dt:2te’ 2¢'| =2¢ b=0 T =10. Chon C.
1 1 1 1 C*O
va 3—¢°
Cau 90. Cho tham s8 a >0 thda man f(x—l)ez"dx = . Tinh P =a*+2017.
0
A. P=2021. B. P=2026. C. P=2033. D. P=2018.
. du=dx
Loigiaipat 1“5 0 o1
T |dy =e*dx V:Eez".
1 Va 1«5 1 Ja 1 Ja
Khi d6 I:—(x—l)e2 ——fe“dx:—(x—l)ez" ——e*
2 2 2 4
0 0 0 0
_ 2Wa _ _
= Me”;—&-l —|¢ 1.3 M ¢ Suyra a=1. Chon D.
2 2 4 4 4




2
N PN Z A N R LN
va bai toan can tim g dé hiéu

Ja
Cach 2. CASIO Thiét lap hiéu f (x—1)e*dx —
0

V2 2
bang 0. Véi dap an A, suy ra a =2, ta nhap hiéu f(x,I)EZde,
0

vao may tinh

CASIO va nhéan dau (Z). Man hinh khéng xuat hién s6 0 nén ta tiép tuc thi dén dap
an B, Cva D.

1
Cau 91. Tinh tich phan I = f xsin 2xdx .
0
A T=1. B.I="_. c =1 D=2
2 4 4
Yy du=dx
Loi giai. Dat B = .
Lgial. {dv_stxdx V:_COSZJC
2
z p ul ul
Khi d6 1 — —*082% /3 +lfcoszxdx_—“°sz" sy 5020151 ehon c.
2 0 2 0 4 |0 4

Cau 92. Két qua tich phan 7= [ xcosxdx dugc viét 6 dang 7= —1. Tinh 9m> —6.

ol

m
A 9m*—6=3. B.9Im*—6=30. C. 9m*—6=-3. D. 9m* —6=-30.
= du=dx
L&i giai. Dat - = . L.
dv = cos xdx y=sinx

i
2

2 fsmxdx = xsinx|?
0

™

Khidé I = xsmx +cosx

0

o NM
N|:1
|
—

Suy ra m=2——9m’ —6=230. Chon B.

Cau 93. Cho tham s§ m théa man I = [ x(sinx+2m)dx =1+n’. Ménh dé nao sau

o%w\:{

day la dang?

A -1<m<0. B. 0<m<2. C. 3<m<5. D. m>5.
2 - du=d
Lai gidi. Tinh 4= [ xsinxdr . Dyt ¥ ST
5 dv = sin xdx y=—COSx

T

:1.

0

L

5
+fcosxdx— sin x

0

Suy ra A=(—xcosx)

il N ,
2 mm

S
4

2
Do d6 I:A+2mfxdx:1+mx2
0

0

2

2
Theo gia thidt 1+ =1+7" < =x° & m=4¢€(3;5). Chon C.

Cau 94. Két qua cta tich phan

o%m\:} [

(2x—1—sinx)dx dugc viét 6 dang W[E%]l.
a

Khéng dinh nao sau day la sai?
A a+2b=38. B.a+b=5. C.2a-3b=2. D.a-b=2.



Loi giai. Tac6 [ (2x—1—sinx)dr =(x’ —x + cosx)

% ™~ o7 [7r IJ
=|l——=|-1=7a|——=|-1.
4 2 4 2

0

O%N\:‘

Suy ra a:4. Chon B.
b=2 ’

Cau 95. Cho I = fe’ cos® xdx, J = fe’ sin® xdx va K = fe" cos2xdx . Khdng dinh nao
0 0 0

sau day la dung?

@. [+7 =" an. 1-J-x. (1D). K:E/S_
A. Chi (D). B. Chi (II). C. Chi (IID). D. C (IT) va (II).

Loi giai. @ Xét (I). Taco [ +J = f ¢* cos? xdx + f ¢* sin® xdx .
0 0

:fe"(sinszrcos2 x)dx:fe"dx:ex
0

0

=¢" —1. Vay (I) sai.

0

® Xét (I). Taco I—J = fe" cos? xdxffex sin’ xdx

0 0

= ]ex (cos2 x —sin® x)dx = ]e" cos2xdx = K. Vay (II) didng.
0 0

u=Cos2x du =—2sin2xdx
= .
dv=¢"dx *

v=e

e Xét (IT). Pat {

Suy ra K = (e" cost)

+zfexsin2xdx:ef’>1+2M.
0

0

x

v, =¢€

A u, =sin2x  |duy, =2cos2xdx
Tinh M = fe" sin2xdx . Ta dat = .
0 dv, =e*dx ]

Suyra M = (ex sian)

—2 ] e cos2xdx =-2K .
2

i

Khid6 K e —142(—2K) < 5K =¢" —14 K =% 1 Vay (III) dang. Chon D.

Cau 96. Cho ham s6 f(x) c6 dao ham lién tuc trén doan [L;2] va théa méan
2 2
F()=0,f(2)=2, [f(x)dr=1 Tinh I= [x.f'(x)dx
1 1
A. I1=2. B. I=1. C. I=3. D. 1=8.

Léi widi. Dat u du=dx
i giai. Da dv:f’(x)dx:> v:f(x)'

2 2
f x)dx =27 (2 ff x)dx=2.2-0—1=3. Chon C.
1 1

Khidé I =

Cau 97. Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;2] va théa méan
2 1
£(2)=16, [ f(x)dx =4. Tinh tich phan 7= [x.f'(2x)d
0 0
A. I=13. B. I1=12. C. I=20. D. 1=7.
du=dx

Lai giai. Dat .
o1 gial. Da 1dv:f’(2x)dx:> v:%f(Zx)



1

f f%]ﬁfodx Sf—ffodx.

0

Khi d6 I——xf (2x)

x=0—¢t=0

Tinh f f(2x)dx. Dt £ = 2x ——dt = 2dx . DSi can: :
0 x=1—-t=2

4=2.

N | —

Suy ra ff(Zx)dx:%ff(t)dtz

Vay 1:875.2:871:7. Chon D.

Cau 98. Cho ham s§ y = f(x) ¢6 dao ham f'(x) lién tuc trén doan [1;2] va théa man

F(1)=4£(2), [f(x)dr=1.Tinh tich phan 1= [+ f'(x)dx

1 1
A. I1=2. B. I=-2. C. I=1. D. I=-1.
u=x* du = 2xdx
= .
dv=f'(x)dx v=f(x)
2

fzfxf Jax=4£(2)= f(1)-2 [ of (¥)d.

1

Loi gidi. Dat

Khid6 I=x"f(x

:—Z]xf(x)dx ——21=-2.ChonB.
Cau $;9. Cho hai ham s6 y= f(x) va y=g(x) c¢6 dao ham lién tuc trén doan [1;2].
Bigt f£(1).g(1)=1, £(2).g(2)=2 va fg x)dx=3.Tinh I = ff o' (x)dx.

A I1=-4 B. 71 =4. C. I=-2. D. 1=2.

u—=
Loi giai. Dat
dv=

2

' [ ) (5= £ 21 (2) £ )20~ [ o) ()

1

Khidé I= f(x).g(x)

—2_1-3——-2. ChonC.
Céu 100. Cho ham s6 y= f(x) c6 dao ham f'(x) lién tuc trén doan [0;1] va thoa

mén f(1)=1, Jf(x)dx:Z.Tinh tich phan szf'(&)dx

A. T=-1. B. I=1. C. I=2. D. I=-2.
x=0—¢t=0

L&i gidi. Pat r =vx ——+* = x——2¢tdr = dx. D8i can .
x=1—r=1

1
Khi d6 Isztf'(t)dt:ZA.

Tinh A— f)dr.pat |“ ' du=dt
n ftf Al d—f()dt—’v:f(r)’

1 1 1
- [ s 1)~ [ f(e)dt=1-2=~1——1=24=-2. ChonD.
0

0 0

Suyra 4=




=
Van dé 3. TICH PHAN AN HAM SO

=0

1
Cau 101. Cho f(x) la ham s§ chén trén doan [-1;1] va théa méan ff(x)dx:4.

=il

Tinh tich phan I = f > +)1 dx

A . I1=2. B. 1=4. C. 1=8. D. I =16.
e e2s s , A _
Loi giai. Dac trung cua dang fmdx la d6i bién ¢t = —x——dx = —ds.

—1—-t=1

- Kni do I:—]f(_t)

27 +1

dr

A A X =
Doi can

x=1—-t=—

27" +1 1+2f 2 +1

L J“Z‘-f(—f)dt/ PRIy [,

-1

+f2xf( )dx ff Jdx=4——1=2. Chon A.

Suyra 2 =1+1= f 1

2°+1

Cach trdc nghiém: Chon 4(x)=x’ théa man gi thiét 1a ham chin.

1
Ta c6 fxzdx:§ﬁ> chon f(x)= 2 h(x)=6x".

-1

W[N] W

1 2

Khi d6 I = f () dx = f % 4x. Dimng CASIO tinh duge két qua bing 2.
7+

Phuong phap tric nghiém:

Buéc 1. Chon mot ham s6 bat ky théa man bai toan. N&u bai toan khéng néi gi thi

thuong chon %(x)=1, néu l1a ham s 1é thi chon %(x)=x, ham s chén thi chon

h(x):xz.
b b ]\I ]\I
Budc 2. Tinh fh(x)dx:M—>[Mh(x)dx:—fh(x)dx:ﬁ.M:N.

Do d6 ta sé chon f(x) :%h(x)

b b
Buéc 3. Tinh [ = ff(u)dx = f%h(u)dx bing may tinh 14 xong.

a

2017 2017

Vi du. Cho ham s6 f(x) thoa man f f(x)dx =2. Tinh tich phan f (2018 —x)dx
1 1

2017

Huéng dn. Ta chon /i(x)=1—— [ 1dx=2016—— f(x)= 2 _ 1
1

2016 1008°

2017 2017
1

Khi d6 ff (2018 — x)dx = dx =2.

1008
1
Cau 102. Cho ham s§ f(x) lién tuc trén R va théa f(x)+ f(—x)=+2+2cos2x véi

3w
2
moi x € R. Tinh I:ff(x)dx

2

A. I=-6. B. 7=0. C.I1=-2. D. I=6.



_3n 3

X =—— = —_—
2 2

3 3r

X =— [ =——
2 2

Khi d6 I:—fzf(—t)dt:ff(—t)dt:ff(—x)dx.

w
EgNY

— |

Suy ra 21 =

ok

Chon D.

ASIO

3T

2 2
[f(t)+f(ft)]dt:fx/2+2c052tdt:f2|cost|dtC:s 12——1=6.

_37

3

2 2

Céch tric nghiém. Chon f(x)= %\/2 2cos2x SN0 1 ¢,

Chu y: Khi gép bai toan
mf (x)+nf (—x)=g(x) voi

I:ff(x)dx " thi ta chon

Vi du. Cho ham s§ y= f(x

"Cho ham s6 y= f(x) lién tuc trén R va thdéa méan

g(x) 1a ham s0 chdn vd m+n=0. Tinh tich phan

1
IR R——
) lién tuc trén R va thoa man 2f(x)+3/f(—x) :rlz.
x
2
Tinh tich phan I = ff(x)dx. Huéng dan: Chon f(x) :é'4+1x2

-2

2

Cau 103. Cho ham s§ y= f(x) lién tuc trén (0;+00) va thoa ff(t)dt: xcos(7x).
0

Tinh f(4).
A. f(4)=%. B. f(4)=1. C. f(4)=2. D. f(4)=i.
F'(x)=f(x)
Loi gidi. Gia st F(x) 14 mot nguyén ham cua f(x), suy ra I\ o\
[F(x )] :fo'(x )

2
x

0

Khi ds [ /£(r)de = F(r)

F(xz)fF(0)<——>xcos7rx:F(xz)fF(O).

L4y dao ham hai vé, ta dudc: cosmx —mxsinmx = 2xf(x2 ) -0.

Cho x =2, ta dugc 1:4f(4)<——>f(4):%.ChQnD.

Cau 104. Cho a>0 va f(x) la ham s& lién tuc trén [g;+00). Tim gi4 tri cta a biét

ring ff(x)dx+6:2«/; v6i moi ¢ > a.

xZ
A. a=35. B. a=09. C. a=19. D. a=3.
Loi gidi. Goi F(x) 1a mot nguyén ham cta ham s6 f(zx) trén doan [a;z].

X



F'(x): e
Khi d6 ta c6 L .
F(t)—F(a):F(x)‘ :ffx(f)dx=2x/;—6—>F(t):2\/;+F(a)—6
Suy ra F'(t)z%z@%f(t):t\/; hay f(x):x\/;
_[%:Z%dx:z&;:zﬁ—zﬁ.

Theo gié thiét 24t —2va =2 —6——a=9. Chon B.

Cach 2. Tu ddng thic ]Lj{)deré:Z\/;, 14y dao ham hai v& theo ¢, ta dudc
X
ft(zt) :% . Suy ra f(t):tx/; hay f(x):x\/;.
Cau 105. Cho ham s§ f(x) c6 dao ham lién tuc trén doan [1;2] va thdéa méan
f(x)>0,x €[1;2]. Biét riing [f’(x)dleo va !%dx:lnz Tinh £(2).
A. f(2)=-10. B. £(2)=20. C. f(2)=10. D. f(2)=-20.
Loi gidi. Taco [ f(x)dx =10 f(x) _10e £(2)- F(1)=10. (1)
Lai c6 fj;,((x))dlen2©ln|f(x)| 2 =In2 < In[f(x)| "2 (do f(x)>0,vx€[1;2])
1 X 1 1
@Inf(z)—lnf(l):lnz@ln%:lnu:)%:z. (2)

Tu (1) va (2), suyra f(2)=20. Chon B.
Cau 106. Cho ham s6 y= f(x) c6 dao ham lién tuc trén doan [-1;1], thoa méan

f(x)>0, VxeR va f'(x)+2f(x):0.Tinh f(—l), biét rang f(l):l.

A. f(-1)=e?. B. f(-1)=¢". C. f(-1)=¢". D. f(-1)=3.
Loi giai. Ta c6 f'(x)+2f(x)—0<:>f'(x)—2f(x)(:)j;((j:))—2 (do f(x)>0).

ACIF T
f(x)dx_fl( 2)d

(do f(x)>0,Vx€]R)

1
L4y tich phan can tit —1 dén 1 hai v&, ta dudc f
Z1

1

1
=—-2x
1

& In| £ () emf@) =-2

ehn|f(1))-In[f(-1)|=—-4 e nl-In[f(-1)]=-4
& In[f(-1)|]=4—— f(-1)=¢". Chon C.

4
Cau 107. Gia st ham s6 f(x) c¢6 dao ham lién tuc trén R, nhan gia tri duong trén
khoang (0;4+0c0) va théa man f(1)=1, f(x)= f'(x)v3x+1 v6i moi x>0. Ménh dé

nao sau day la dung?

A. 1< f(5)<2.B. 4< f(5)<5. C.2< f(5)<3. D. 3< f(5)<4.
Loi giai. Ta c6 f(x):f'(x)_\/3x—_H<:>f'(x)_ 1

flx) Bx+l



5
L4y tich phan can tir 1 dén 5 hai vé, ta dugc f f'(x) f
(x)

1

<:>In|f(x)| —\/3x+1‘ & In[f(x)] :3\/3x+1‘ (do f(x)>0,¥Yx>0)

1 1

4 4 :

& In[f(5)|-In[fF(1 ]z—@ln[f(S)]flnl:§<:)In[f(5)]:§<:)f(S):e3 ~3,793.
Chon D.
Cau 108. Cho ham s6 f(x) c6 dao ham lién tuc trén R va théa méan
f(x)>0,vxeR.Biét f(0)=1 va j;((x)):2—2x, tim tat ca cac gia tri thuc cia tham

x
s6 m dé phuong trinh f(x)=m c6 hai nghiém thuc phan bigt.

A.m>e. B.0<m<1. C.0<m<e. D.l1<m<e.
f(x) f'(x)

L&i gidi. LAy nguyén ham hai vé&

—2-2x, ta duge ff(x)dx:f(Zfo)dx

f(x)
& In|f(x)|=2x—x"+C & In[f(x)]=2x—x"+C (do f(x)>0,Vx€R)
<:>f( ) 2x x+C
Theo gia thiét f(0)=1——e“ =1 C=0.Suyra f(x):ez"”‘z.

2 _ 2 _ _
Xét phuong trinh f(x):m(:»ez"’x2 —mel +2x lnm@ ¥ +2x—lnm O.

m>0 m>0

[
Phuong trinh £ (x)=m c6 hai nghiém thuc phan biéu:{A _01 m>0  ocm<e.
m>

Chon C.
Cau 109. Cho ham s§ f(x) lién tuc trén R va a>0. Gia st ring véi moi x €[0;4], ta

c6 £(x)>0 va f(x)f(a—x)=1. Tinh 1= [ =<

A 1= B. I =2a. C.I= D. I =aln(a+1).

%.
1
flx)

x=0——t=ua

Loi giai. Tu gia thiét, suy ra f(a—x)=

bit t=a—x——dr = —dx . D6i can: .
x=a——t=0

0 a

- R R Wit
Khi d6 I:_[1+f(a—t):f 1 :[f(t)—i—ldf:[f(x)—i—ldx,

0 l+—r—+
f(t)
Suy ra 21:1+1:]" dx +] f(x) dx:]dx:a‘J:Z. Chon A.
o 14+ f(x) < flx)+1 0 2
Cach tric nghiém. Chon f(x)=1>0—— f(a—x)=1 théa f(x)f(a—x)=1.
Khi d6 szﬁ:lx _——
1+1 27|, 2
CAau 110. Cho s6 thuc a =0, dit b= f—dx.

(2a+x)e*

& b
A [ ax=t B. [ —dv=—"F-.
{Sa—x e’ f3a—x \/67

0



2a x 2a x

e e a
C. dx =b.e". D. dx =——.
»([3afx »([3afx NP
Loi giai. Ta d6i bién dé dua tich phan can tinh vé tich phan da cho bang cach dit

dx =—dt

xX=a—t

o =0—-tr=
3a—x:2a+t—>{ . Doi can: {x ¢

x=2a—t=—a

—a —t —a a

L e . 1 . 1 o
Khi d6 [Za—i_t(*dl’):e .[W(*dt)—e .fmdf—e b. Ch()n C.

—a




O Bai 05

UNG DUNG TICH PHAN

1. Tinh dién tich hinh phing

Pinh li

Cho ham s6 y= f(x) lién tuc, khong 4m trén doan [a;6]. Khi d6 dién tich S cua
hinh thang cong gi6i han béi db thi haim s6 y = f(x), truc hoanh va hai dudng thing

x=a,x=0bla AY

0

Bai toan 1. Cho ham s§ y = f(x) lién tuc trén doan [4;6). Khi d6 dién tich S cua
hinh phing (D) giéi han béi db thi ham s8 y = f(x); truc hoanh Ox (y=0) va hai

b
dudng thdng x=a; x =5 1a S:f|f(x)|dx

Bai toan 2. Dién tich hinh phing giéi han
bdi hai db thqu:f(x); y=g(x) va hai A y:f(x)
duong duong thang x =a; x =5 1a

S:fab

f(x)—g(x)|dx.

v

Chu y:
1) Dé pha bo d&u gia tri tuyét déi ta thudng 1am nhu sau:
- Giai phuong trinh f(x) = g(x) tim nghiém x,x,,...,x, € (a;b) (xI <x, <. < xn) .

£ awfa [T ()= sgwar+ ot 117 (5)-alo]ax
LXl(f(x)_g(x))dx‘+...+ ﬁi(f(x)—g(x))dx

Ngoai cach trén, ta c6 thé dua vao do thi dé bd dau gia tri tuyét doi.
2) Trong nhiéu truong hop, bai toan yéu cau tinh dién tich hinh phéng giéi han béi
hai d6 thi y= f(x); y=g(x).

- Tinh S:f:‘

Khi d6, ta c6 cong thic tinh nhu sau § = f|f(x)fg(x)| dx .

R

Trong d6 x, va x, tuong tingla nghiém nhd nhét, 16n nhét cua f(x)=g(x).



2. Tinh thé tich khéi tron xoay
a) Tinh thé tich ctia vat thé
Pinh i
Cét mot vat thé C béi hai mit phang (P) va (Q) vudng goc véi truc Ox lan lugt

tai x=a, x =>4 (a<b). Mot mit phing bat ki vuong géc véi Ox tai diém x (a <x <b)
cdt C theo mot thiét dién c6 dién tich S(x). Gia stt S(x) la ham lién tuc trén doan

[a;6]. Khi d6 thé tich ctia vat thé C giéi han béi hai mit phéng (P) va (Q) duge tinh

b
theo cong thic |V = fS(x)dx

b) Tinh thé tich vay tron xoay

Bai toan 1. Tinh thé tich vat thé tron xoay AY
khi quay mién D dugc giéi han bdi cac
duong y= f(x); y=0; x=a; x=0b quanh
truc Ox dudc tinh theo céng thiic

V:ﬂ]fz(x)dx.

Chi y: Néu hinh phéng D dudec gidi han béi cac dudng y = f(x); y=g(x) va hai
dudng x=a;x=5 (v6i f(x).g(x)>0,Vx€[a;6]) thi thé tich khéi tron xoay sinh béi
khi quay D quanh truc Ox dugc tinh bdi cong thic

V:wj‘fz (x)—g2 (x)‘dx.

Bai toan 2. Tinh thé tich khéi tron xoay sinh ra khi quay hinh phing D giéi han
béi cac duong x = g(y), truc tung va hai dudéng y=a, y=>6 quanh truc Oy dugc

tinh theo cong thic

b
V:ngz(y)dy.

CAU HOI TRAC NGHIEM
=
Vén dé 1. TINH DIEN TICH HINH PHANG
=D
Cau 1. Cho ham s§ y = f(x) lién tuc trén [4;5]. Dién tich hinh phéng S gidi han béi
dudng cong y= f(x), truc hoanh va cac dudng thing x=a, x=0 (a<b) dudc xac

dinh bdi cong thiic nio sau day?

A. S:]‘f(x)dx. B. s:]f(x)dx. C. S=]|f(x)|dx. D. S=]|f(x)|dx.

L&i giai. Chon D.



Cau 2. Cho do thi ham s§ y = f(x) nhu hinh vé y
bén. Dién tich S cta hinh phing phan t6 dam
trong hinh dudc tinh theo cong thiic nao sau day?
3
A. S=ff(x)dx . y=f(x)
Z2

0

B. S= [ f(x)dx+

~

S
o
=

C. S::ff(x)dx

D. s= [ f(x)dx+

+
oo o o
‘\'S
&)
&

=
3,
&

3 0 3
Li gidi. Theo hinh v&, ta ¢6 S = [|f(x)|dv = [ f(x)dx+ [ f(x)dx
—2 -2 0

-2

:ff(x)dx—i—]f(x)dx. Chon C.

0
Cau 3. Cho hai ham s6 y = f,(x), y= f,(x) lién tuc trén [a;b]. Dién tich hinh phing
S gi6i han cac béi dudng cong y=f(x), y=f,(x) va cic dudng thing x=aq,
x=b (a<b) duge xac dinh béi cong thiic ndo sau day?

A. S=]‘|f1(x)—f2(x)|dx. B. S:][/‘z(x)—ﬂ(x)]dx.

C. §=

][ﬂ(x)—ﬂ(x)]w‘. D. sz]|ﬁ(x)+jg(x)|dx.

Loi giai. Chon A.
CAau 4. Dién tich hinh phing S gidi han béi

cac d6 thi ham s§ y=+2x, y=4—x va truc Ayy—tl—x
hoanh Ox (nhu hinh vé) dugc tinh béi cong
thiic nao duéi day?
2 2 =+2x
A 5= [Vaxdr+ [(4-x)dr. 4
0 0
2 4
B. 5= [V2xds+ [(4-x)dx. o
0 2 0 2 4
4
C. 5= [(V2x —4+x)dx.
0
2
D. S:f(4—x—x/ﬂ)dx.
0
Loi gidi. Xét cAc phuong trinh hoanh d6 giao diém:
x<4
x=2;

o\V2x=4—x& s &
x*—10x+16=0

e d—x=0sx=4;
e \2x=0<x=0.

2 4
Da vao hinh vé, ta ¢6 § = [V2xdx+ [(4-x)dr. Chon B,
0 2



Cau 5. Dién tich hinh phing S gidi han béi cac dd AY  y=x
thi ham s6 y=«’, y=2—x va truc hoanh Ox (nhu
hinh vé) dIIdc tinh béi cong thiic nao duéi day?

A S— fxdx+fx 2)dx.

Y =

0
]x +x— 2)d

0
S:l—l—fx}dx
2 4 ’

D. S— ].|x3 —(2—x))dx.
0

B. §= y=2—x

Loi giai. Xét cac phuong trinh hoanh d¢ giao diém:
o’ =2—-xox+x-2=0=x=1
ox’ =05 x=0;
e2—x=0sx=2.

1 2 1
1
Duya vao hinh vé, tacé S= | x’dx+ | (2—x)dx ==+ | x’dx. Chon C.

Cau 6. Dién tich hinh phing S gidi han bdi cac db thi ham s6 y=x>—x, y=2x va

cac duong x = —1, x =1 dudc xac dinh bdi cong thic ndo sau day?
1

f(3xfx3)dx.

—1

A, S= B. S:‘lf(3xfx3)dx.

-1

0 0
C. s :f(f f3x)dx+‘lf(3xfx3)dx. D. S= f(3xfx3)dx+].(x3 —3x)dx.
—1 0 -1 0
Loi giai. Xét phuong trinh hoanh d6 giao diém:
x=0€e[-1L1]

x=+3¢[-1;1]

r—x=2x=x-3x=0&

0 1
Dién tich hinh phing cin tinh: S = f|x3 —x —2x| dx + f|x3 —x —2x|dx
-1 0
xet dau 0 !
= f(x3 —3x)dx+f(3x—x3)dx. Chon C.
-1 0
Cau 7. So d6 & bén phai phac thao cia mét khung ctia s6.
Dién tich § cta ctia s6 dugde tinh bdi céng thiic nao sau
day?

2 2 2 2
A. S=[|=—4x*|dx. B.S=||=—2x|dx.
2 2
1 1
2 2
C. S= | 2x*dx D. S= [ (1-4x%)dx
{x {( %)
2 2

Loi giai. Dua vao do thi ta thdy trén doan

l,l] thi d6 thi ham s6 y, :§72x2
2°2 2

nim phia trén d6 thi ham s y, = 2x°.



Do d6 §=

(yl_yZ)d‘x:

[E—sz —2x2de =
2

Cau 8. Cho hai ham s6 f(x) va g(x) lién tuc trén doan [g;b] v6i a <b. Ki hiéu S, 1a

[g _ 4x2de. Chon A.

N‘\»—\N‘_‘
N‘\»—\N"—‘
N‘\»—\N"—‘

dién tich hinh phing gi¢i han béi cac dudng y=2f(x), y=2g(x), x=a va x=b; S,
la dién tich hinh phing gidi han béi cac dudng y= f(x)-2, y=g(¥)-2,x=a va
x=b.Meénh dé ndo sau day la ding?

A. S5 =5, B. §, =25,. C. 5, =2§,-2. D. §, =25, +2.

5= [ () 26(r)ér 2| £(x)- ()]s

Léi giai. Ta c6 ‘ “ 5, =128,

.= [ (x)-2]-[ex)-2]ax = 17 (x)- gl

Chon B.
Cau 9. Cho ham s6 f(x) xac dinh va dong bién trén doan [0;1] va f %] =1. Dién
tich hinh phing S gidi han bsi db thi ciia cac ham s6 ¥ =f(x [ f(x) ]2 va cac

duong x =0, x =1 dudc xac dinh bdi cong thiic ndo sau day?
1

x)]dx+]f(x)[f(x)fl]dx.

>
52}

I
\,\
<

=
S
|
o
©
>
&

o
[
Il

os]
(9}
Il
oSN\H O\H OHN\»—

=
=S
T
=
=
&
+
N\.—S.—
=
=
=
O
~
&

1
Lasi gidi. Goi § 1 dién tich hinh phéing cAn tinh. Ta c6 § = [ ‘ £ ()= [f (x)] |ax
0

= [If ) 1= f () e = [|f(x) 1=/ (x |dx+f|f t— £ (x)|dx.
f(x)>f[%}:l, Vx € l;1]
Do ham s§ f(x) déng bién trén [0;1]—
f(x)<f[%}:l, Vx € 0;%]
| £ (x)=1]= £ ( IVxG%II
|f(x)=1=1-f(x), ¥x e 0;%1

j N[t s (x ]dx+ff )~1]dx . Chon C.

2



Cau 10. Cho ham s6 f(x) c6 do thi trén

AY
doan [-1;4] nhu hinh vé& bén. Tinh tich
4
phan I:ff(x)dx. 2
Z1
AT=2.
2 3 4 X
11 -
B. I=—. -1 O 1 2
2 -1
C. I=5.
D. 1=3.

Loi giai. Goi 4(—1,0), B(0;2), C(1;2), D(2;0), E(3;—1), F(4;—1)
va H(1;0), K(3;0), L(4;0).

AY
2|B ¢
A H D 3 4 X
10 1 2 K L~
-1
E F

Khi d6 I:]f(x)dx:jf(x)dx+]f(x)dx+]f(x)dx+ff(x)dx+ff(x)dx

= Sl o [l o [lr(efor— lrtofae— fls (ofar

(do f(x)>0, vxe[-12] va f(x)<0, Vx €[2;4])

— S0+ Sonen +Suen — Soer — Sersx :%.2.1+2.1+%.2.1—%.1.1—1.1:%. Chon A.

Cau 11. Ki hiéu S,, S, 1an lugt 1a dién tich hinh vuéng canh bang 1 va dién tich

hinh phing giéi han béi cac duong y=x>+1, y=0, x=—1, x=2. Trong cac khing

dinh sau, khdng dinh nao 1a ding?

A 5 =5,. B. S >S,. C. S ==5,. D.%:é.
1

2
=6

-1

Loi gidi. Taco S, =1 va S, :]|xz+1|dx=j(xz+1)dx=[%3+x]

-1 -1

%%:6. Chon D.

1
Cau 12. Tinh dién tich hinh phing S gidi han bdi db thi cta hai ham s6 y=x> +2

va y=3x.

A §5=2. B.s=3. C.S:l. D.S:l.

2 6

Loi giai. Phuong trinh hoanh d6 giao diém: x* +2=3x < =
x

) N X 2 casio |
Dién tich hinh phang can tinh: § = f|x2 +2-3x|dx = ra
1



Chon D.
Cau 13. (Dﬁ MINH HQA 2016 - 2017) Tinh dién tich hinh phing § giéi han béi d6
thi ham s6 y =x’ —x va @6 thi ham s8 y=x—x%.

A.Szﬂ. B.Szg. C_S:ﬂ_ D. §=13.
12 4 12
x=0
L&i giai. Phuong trinh hoanh d¢ giao diém: »° —x=x—x* < |x =1
x=-2

ASIH

R . ! CASIO _
Dién tich hinh phang can tinh: § = f|x3 +x° —2x|dx ~ 3,083= :13—; Chon A.
“2
1
Cach kiém tra may tinh. Dung CASIO tinh tich phan f|x3 +x% —2x|dx rdi luu vao
22
bién A. Bay gio ta thi véi dap an A c6 ding khéng nhé? Ta xét hiéu Af% va nhan

dau EI Néu man hinh xuat hién s6 0 thi dap an dé ding.

CAu 14. Tinh dién tich hinh phng S gi6i han bdi d6 thi ham s6 y = x> —3x va hai

dudng thang x = —15, x =15.

A. §=2250. B. §=2259. C. §=1593. D. §=2925.

15

L&i gidi. Dién tich hinh phéng cAn tinh: § = f |%” —3x]dx .
-15

Béng xét d&u ctia biéu thiic f(x)=x"—3x trén doan [-1515].

x |-15 0 3 15
f(x) + 0 - 0 +

Suyra S= ](xz —3x)dx—

-15

o

15
2 _3x)dx+ 2 _3x)d
(x x) X [(x x) X

3o (4 347
+ —_—
0 [3 2 ]

15
=2259. Chon B.

3

2 3%
3 2

—-15

Cach 2. Dung may tinh cim tay.
15
® Déi véi VINACAL. Ta tinh f |x? — 31| dx = 2259. Duing véi két qua tinh tay.

—15

15
® Déi véi CASIO. Ta tinh f |x” —3x| dx = 2250. Khong dting v6i két qua tinh tay.

-15
Ly do nao hai loai may tinh nay cho ta hai két qud khic nhau? Giai thich: May
CASIO "thuong khéng ding" cho tich phan tri tuyét d6i véi hai can chtia 3 doan déi
dau tré lén.
Cau 15. Tinh dién tich hinh phing S giéi han bdi db thi ham s6 y = x+/1+ x> , truc
hoanh va dudng thing x=1.

A.S:%. B.S:Z*/i_l. C.S:@. D. 5=2(+2-1).

L&i gidi. Phuong trinh hoanh d6 giao diém: xy/1+x> =0 < x =0.

1 CASIO _
dx:fx\/Ierzdx = 22 L Chon B.
0

3

1
Dién tich hinh phéng: 5 = [ ‘xx/l e
0




Cau 16. Ki hiéu S, S,, S, 1an lugt 1 dién tich hinh vuéng don vi (c6 canh bing don
vi), hinh tron don vi (c6 ban kinh bing don vi), hinh phing giéi han béi hai duong

y=2V1-x", y=2(1—x). Tinh ti s ——— 5 +S
2
ASES 1 p S48 1 c. 5itS 1 p. SitS _1
s, 3 s, 4 s, 2 s, 5
Loi giai. Ta tinh duge S, =1 =1va S, =’r=m.
2 = O
Tinh S,. Phuong trinh hoanh d5 giao diém: 241— x> =2(1—x)—s0 | -
X =

1
Khi d6 S, = [ ‘2\/1 —x -2(1 —x)‘ dx . Ding CASIO tinh tich phan va luu vao bién A.
0

Tiép theo bim L2
s

Cau 17. Dién tich hinh phang giéi han bdi cac dudng y =+/x va x—2y=0 bing véi

va nhan dfu 3 . Man hinh hién két qué % . Chon C.

dién tich hinh nao sau day?
A. Dién tich hinh vudng c6 canh béng 2.
B. Dién tich hinh chit nhat c6 chiéu dai, chiéu réng 1an lugt 5 va 3.
C. Dién tich hinh tron c6 ban kinh bang 3.

243

x>0 =0
Loi giai. Phuong trinh hoanh dé giao diém Jx = X T, ¥ .
2 4x =x x=4
N R 4 CASIO  _
Dién tich hinh phang can tinh: § = f Jx —Zldx ~ 1,3= %
0

A. Dién tich hinh vuéng c6 canh bang 2——S, = 4.
B. Dién tich hinh chii nhat c6 chiéu dai, chiéu rong 14n lugt 5 va 3 —— S, =15.
C. Dién tich hinh tron c6 ban kinh bang 3 —— S, = 9.

243
3

D. Dién tich toan phéan khéi tt dién déu c6 canh bang — S, = (canh)2 A3 = %

Chon D.
Cau 18. Tinh dién tich hinh phing § giéi han béi d6 thi ham s§ y —ﬁ, truc
x+1
hoanh va hai dudng thdng x=0, x=4.
A s=-% B.s=2%. c.s=2. D.s=2
5 5 25 25
CASIO 8
L&i giai. Dién tich hinh phing can tinh: § = f = —. Chon B.
(x+ 1) 5

Cau 19. Tinh dién tich hinh phing § giéi han bdi d6 thi ham s§ y=xInx, truc
hoanh va dudng thing x=¢.
e’ +1

2 2 2
e+1. e+1. D.S=€+1.
8 2

x>0

A S= B. S= C.S=

Loi giai. Phuong trinh hoanh d6 giao diém: xInx=0<{{x=0 < x=1.

Inx=0



. ) . y CASIO
Dién tich hinh phang can tinh: § = f|xln x| dx ~ 2,09726.
1
Doi chiéu két qua véi bon dap an da cho. Chon A.

Cau 20. Biét rdng dién tich S cta hinh phing giéi han bdi d6 thi ham s6 y=Inx,

truc hoanh va hai dudng thing x :l, x=e dugc dudi dang S :a[l—l]. Ménh dé
e e

nao sau day la sai?
A. > —3a+2=0. B.d*—a—-2=0.
C.a*+3a—4=0. D. 24> —-3a—-2=0.

1

5 N € xet dau ! ¢
L&i giai. Dién tich hinh phing cin tinh: S = f IInx|dx = f —In xdx + f In xdx
! 1

1
. +(xlnxfx)

e

tung phan e 1
= —(xInx—x = ——|——a=_4. on L.
(xInx—x) 2[1 J 2. Chen C

1 e

CAau 21. Tinh dién tich hinh phing S gidi han béi d6 thi ham s6 y=¢* +x, truc

hoanh, truc tung va dudng thing x=1.

A. S:e+%. B. S:ef%. C. S=e+1. D S=¢—1.

CASIO
e +x|dx ~ 221828.

1
L&i giai. Dién tich hinh phing cAn tinh: § = f
0

D61 chi€u ké&t qua véi bon dap an da cho. Chon B.
Cau 22. Tinh dién tich hinh phéng S gi6i han bdi cac duong y=e¢* +x, x—y+1=0 va
x=In5.
A S=5+In4. B. S=5-In4. C. S=4+In5. D. S=4—-In5.
Loi gidi. Tacé x—y+1=0——y=x+1.

Phuong trinh hoanh d¢ giao diém: ¢* +x=x+1< e =1<x=0.
In5

(ex+x)f(x+1)|dx:f

0

, R in? CASIO
Dién tich hinh phing cAn tinh: S = f e —1|dx =~ 2,39056.
0

Doi chiéu két qua véi bon dap an da cho. Chon D.
Cau 28. Tinh dién tich hinh phing § gi6i han béi cac dudng y =(e+1)x va y = (1 +e )x.
e—2 e—2

B.s=2<. C. S= . D. S—
% B 4

A §=%F2

L&i giai. Phuong trinh hoanh d¢ giao diém:
x=0
(1+ex)x:(e+l)x (:)x(e" e)—0<:>\

CASI!

1 1 o
Dién tich can tinh: S = f|<1+e")x7(6+1)x|dx = f|x(e" fe)|dx ~ 0,35914.
0 0
Doi chiéu két qua véi bon dap an da cho. Chon C.
Cau 24. Tinh dién tich hinh phng S gi6éi han béi db thi ham s6 y=+/e* +1, truc

hoanh va hai dudng thdng x =In3, x =In8.

A.S:2+In§. B.S:2+1n%. C.S:3+1n%. D.SzZ—ln%.

, . In8 In8 CASIO
Loi gidi. Dién tich hinh phing cén tinh: § = [ ‘\/ex +1‘dx: [Jer+1dx =" 2,4056.

In3 In3

D61 chi€u két qua véi bon dap an da cho. Chon B.



Cau 25. (PE THU NGHIEM 2016 - 2017) Cho
hinh thang cong (H) gi6i han bdi cac dudng
y=¢,y=0,x=0 x=In4. Dudng thing x==¢
(0<k<In4) chia (H) thanh hai phan c6 dién tich
1a S, va S, nhu hinh vé bén. Tim % dé S, =25,.

A. k:31n4. B. k=In2. /
B S,

C. k=S D. k=1In3. / 5
3 X

o k In4
k 2 In4 In4
L&i giai. Ta c6 Slzfe"dx:e" = —1va Szzfexdx:ex =4—¢.
0 0 3 k
Theo gia thiét S, =28, © ¢ —1=2(4—¢") = k=In3. Chon D.
Cau 26. Ki hiéu (H) 12 hinh phéng giéi han bdi cac A
duong y=¢*, y=0, x=0 va x=1. Dudng thing /
—k (0<k<1) chia (H) thanh hai phan c6 dién A
tich tuong dng S,, S, nhu hinh vé& bén, biét S, >, . yar
Ménh dé nao sau day la ding? yee /
A. ek>€+3. B. ek>€+2. 7 s,
2 2 -~ 1
C. ek>e+1. D. ek>€_1 -
2 o E 1
k k ! 1
L&i giai. Ta c6 Slzfe"dx:e" = —1va Szzfe"dxze" =e—e¢
0 0 k k

Theo gia thiét S, > S, < ¢*

Cau 27. Cho hinh phing (H) gi6i han bdi cac
duong y==x2 y=0,x=0, x=4. Duong thing
y=k (0<k<16) chia hinh (H) thanh hai
phan c6 dién tich S,, S, (hinh v&). Tim & dé

SI ’:k
y
S, =8,.
A k=3. B.k=4. S, *
C. k=5, D. £=8. 0 - 4’
X=

L&i gidi. Phuong trinh hoanh d¢ giao diém: x> = k——x =+/k . Ta c6:

4 3|4
x 64
. SI+52:[x2dx:—O:?.
4 3 4
oS = fx - :[—kx] =—4k+ Zk‘/— 64
I 3 e 3 3
Theo gia thiét Slez—>SIZ%(Sl+S )& 4/6—&-@-&-6?4:%

& 2kk—12k+32=0—2F0<<Y 55 122 432-0—t=2—k=4. ChonB.



Cau 28. Xét hinh phing (H) gi6i han béi db thi T ;"
ham sé y:(x+3)2, truc hoanh va duong thing
x=0. Goi A4(0;9), B(b;0) (~3<b<0). Tinh gia tri
clia tham s8 b dé doan thing 4B chia (H) thanh

hai phén c6 dién tich bang nhau.

A. b=-2. B_b:,l. :
2 5
B o] ~
C.h=1. D. 5=,
2
L&i giai. Phuong trinh hoanh db giao diém: (x +3)" =0 & x = —3.
0 CASIO
2 2
Dods S, = [(¥+3) dr =
23
L ., N 1 9
Dién tich tam gidc OAB béng: S,,, = EOA.OB = Elbl :
_ 1 9 _ 9 (—3<b<0) _
Ycbt %’SOAB = 2 SH) = Elbl = 5—>b =-—1. Chon C.
Cau 29. Cho ham s6 y = f(x) lién tuc trén R va ham Ay V= g[:,x;l
s6 y=g(x)= x.f(xz) ¢6 d6 thi trén doan [;2] nhu 1
hinh vé bén. Biét phan dién tich mién dugde t6 mau la )
4 ]
S :%, tinh gi4 tri ctia tich phan I = ff(x)dx )
1 ]
AT=2. B. 1=, :
2 4 L ox
C.I1=10 D. I =5. 0 9 =

2
Loi gidi. Dién tich phan td maula S = fg(x)dx
1

2
@fx.f ¥’
1

Pat r = x> ——dr = 2xdx . D6i can: {

Theo gia thiét S =

N |

x=1—¢t=1

x=2—t=4
2

Khi d6 i:fx.f(xz)dx:%]f(t)dt—>]f(t)dt:5 hay ]f(x)dx:S. Chon D.

N

Cau 30. Mot khung ctia c6 hinh dang nhu hinh vé,
phan phia trén 1a moét parabol. Biét a=2,5m,

hm

b=0,5m, c=2m . Biét s tién mot mét vudng ctia 1a 1

am

O A AN LA N R N
triéu dong. S6 tién can dé mua cua la:

A. % triéu dong. B. % triéu dong.

C.% triéu dong. D.% triéu dong. —

Loi giai. Dién tich khung ctia bing: dién tich hinh vuéng + dién tich parabol.
Dién tich hinh vuéng S, =2.2=4m".
Dién tich parabol S, = %.2.0,5 = %mz (Céng thiic gidi nhanh S = %Bh v6i B 1 chiéu

dai ctia day, % la chiéu cao).



Suy ra dién tich khung ctia =S5, +S, = %mz )

Khi d6 s6 tién cAn phai tra: T — %xl tridu — % triéu ddng. Chon A.

Cau 31. Biét rang duong parabol (P): y* =2x chia b
duong tron (C):x* 4+ y* =8 thanh hai phan lan lugt
c6 dién tich la S, S, (hinh vé bén). Khi dé
S, =S, :a7r—é v6i a, b, c nguyén duong va J la i -
c c 0 o
phén s6 t61 gian. Tinh S=a+b+c.
A. §=13. B. S=14.
C. §=15. D. s=16.

Lai giai. Puong tron (C) 6 tam 0(0;0), ban kinh R =2v2 —— dién tich § = 8.
Phuong trinh hoanh db giao diém cta (P) va (C) la:

y? =2x x>0
2 2 o a2 _ o x=2.
x*+y*=8 x°+2x=8

2 242
Suy ra S, :2f\/ﬂdx+2f\/8—x2dx:§+27r—>82 =5-5, :67r—§.
0 2

a=4
4—>SszIZ4Trf§*—> b=8.Chon C.
c=3

Cau 32. M6t bon hinh tru chta dau dude dat ndm
ngang, c6 chiéu dai 5m, ban kinh day 1m, v6i nip bon
dat trén mit ndm ngang clia méat tru. Ngudi ta rat
d4u trong bon tuong ting véi 0,5m cta dudng kinh
day. Tinh thé tich gin ding nhat cia khoi dau con lai
trong bon.

A. 11,781 m’. B. 12,637m’.

C.114,923 m*. D. 8,307 m>.

Loi gidi. Thé tich ctia bon (hinh tru) dung dau la: ¥V, = nr?h = 7.1%.5 = 5mm’.

Bay gio ta tinh phan ddu bi rit ra bang 2 cach:
Cach 1. (Dung tich phéan) AY
Chon hé tuc toa do nhu hinh vé, goc toa do gin
v6i tam cua mat day.

Pudng tron day c6 ban kinh bang 1 nén cb
phuong trinh x>+ y*> =1.

Suyra y=4v1—-x".

Dién tich phan hinh tron day bi mat:

1
S:2f\/1—x2dxz0,61m2.

1

2

1
Thé tich phan d4u bi rit ra ngoai: ¥, :th:foll—xzdxx5z3,07m3.
1

2

Vay thé tich ctia khéi dau con lai trong bon: ¥ =V, -V, ~12,637m’. Chon B.



Cach 2. (Ap dung dién tich cung tron khi biét géc & tAm tri di
dién tich tam giac tao bdi tAm va 2 ddu mit day cung)
S 1

oo = — R0 —l.R.R.sina = lR2 (a—sina)
” 2 2 2

vl « tinh theo don vi radian.

. oA a OH OH 1 a T 2w
Tinh géc 6 tAm: cos—=—=——=————=—=S a=—.
2 04 R 2 2 3 3
Dién tich phan hinh tron day bi m4at (phan bbi den)

2—7T—sin2—7TJ ~0,61m>.
3 3

S lez(a—sina):%.lz.

vién phin 2

Cau 33. Cho mot vién gach men c6 dang hinh
vuéng OABC nhu hinh vé. Sau khi toa d6 hoa,
ta c6 0(0;0), 4(0;1), B(L;1), C(1;0) va hai duong
cong trong hinh l1an lugt 14 d6 thi ham s6 y = x°
va y=3x. Tinh ty s6 dién tich cia phan t6 dam

so v6i dién tich phan con lai ctia hinh vudng.

AL B. 2.
2 1

c. 2 D. 1.
3

Loi giai. Dién tich hinh vuéng cé canh bing 11a S, =1 =1m’.

] X ! casio
Dién tich phan t6 dam: S, :f|i/;—x3|dx = :Emz.
0

L en NI . 1 1, S,

Do d6 dién tich phan conlai: AS=8§ -8, =1-—=—-m’———2=1. Chon D.
2 2 AS

Cau 34. (DE THU NGHIEM 2016 — 2017) Ong An c6
mdt manh vudn hinh Elip ¢6 d6 dai truc I6n bing 16 m .
va d6 dai truc bé bdng 10 m. Ong muén trong hoa trén
mot dai dat rong 8 m va nhan truc bé cua elip lam -
truc d61 xting (nhu hinh vé).

Biét kinh phi dé trong hoa 1a 100.000 dong/m?. Héi 6ng An cin bao nhiéu tién dé
trong hoa trén dai dat d6? (So tién dugce lam tron dén hang nghin)

A. 7.862.000 dong. B. 7.653.000 déng.
C. 7.128.000 déng. D. 7.826.000 déng.
L&i giai. Chon hé truc toa @6 Oxy nhu hinh vé.
AY £,

X

2 2

Gia st elip c6 phuong trinh x_2 +Jb)_2 =1.
a

T gia thiét, tacé 2a=16——a=8 va 26=10——b=>5.



: y=2Jea—x* (E)
8
Vay phuong trinh cta elip 1a 6—4+;—5:1—> 5 .
y:—E\/64—x2 (E,)
Khi d6 dién tich dai vuon duge gidi han béi cac duong (E,), (E,), x =—4 va x=4.
5 57 3
Dods §=2[2V64—x’dx =2 [J64—x"dr =80 —+—]m2
J 3 2J 6 4
4

Vay s6 tién ma 6ng An cdn1a T = 80|— .100000 = 7652891,82 ~ 7.653.000 .

Chon B.

=
VAan dé 2. TINH THE TiICH KHOI TRON XOAY
=)
Cau 36. Viét cong thiic tinh thé tich ¥ cta khéi tron xoay dude tao ra khi quay hinh
thang cong giéi han béi d6 thi ham s§ y= f(x), truc Ox va hai dudng thing

x=a, x=">b (a<b), xung quanh truc Ox.

A. V:W]fz(x)dx. B. V:]fz(x)dx
C. V:ﬂ]f(x)dx. D. V:ﬂ]‘|f(x)dx

L&i giai. Chon A.
Cau 37. Cho hinh phéng trong hinh bén (phan to
dam) quay quanh truc hoanh. Thé tich khéi tron
xoay tao thanh duge tinh theo cong thiic nao trong
cac cong thic sau day?

b

A v =n[[g(x)-f(x))ds.

B. V:ﬂ][fz(x)—gz(x)]dx.

C. V:W]‘[f(x)—g(x)]z dx . D. V:wf[f(x)—g(x)}dx.

L&i giai. Chon B.
Cau 38. Viét cong thic tinh thé tich ¥ cta phan vat thé giéi han bdi hai mat phing
vuéng géc véi truc Ox tai cac diém x=a, x =0 (a<b), c6 thiét dién bi cit béi mat

phéng vudng géc véi truc Ox tai diém c6 hoanh dd x (a <x <) 1a S(x).
b b b b
A V=r[S(x)dxB. V=r[|s(x)|dr. C. V= [S(x)dr. D.V=r[5(x)dx

L&i giai. Chon C.

Cau 39. (DE THAM KHAO 2016 - 2017) Tinh thé tich ¥ cda phan vat thé giéi han
bdi hai mat phng x=1 va x =3, biét ring khi cit vat thé béi mat phing tuy y
vuong gée véi truc Ox tai diém c6 hoanh dd x (1<x <3) thi dugc thiét dién 12 mot

hinh chii nhat ¢6 hai canh 1a 3x va 3x* 2.

A V= 12;” B.V=32+2/15. C. V—1§4 D. ¥ =(32+2V15)x



Loi giai. Dién tich thiét dién (hinh chii nhat) 1a S(x)=3xv3x’ —2.

. . 3 3 CASIO
Suy ra thé tich can tinh V' = fS(x)dx = f3x\/3x2 —2dx = 1274 Chon C.
1 1

CAu 40. Tinh thé tich ¥ cla phan vat thé gidi han béi hai mit phdng x=0 va
x =2, biét ring khi cdt vat thé bdi mit phing tiy ¥ vudng géc véi truc Ox tai diém
¢6 hoanh do x (0 <x<2) thi dugc thiét dién 1a mot phan tu hinh tron ban kinh V27

A. 7V =32m. B. V =64m. C. V—%ﬂ' D. V =8nr.

L& giai. Dién tich thiét dién (i hinh tron) 1a S(x)= iw(\@ﬁ)z - %m“

5 2
lﬂx_] 167

=——. Chon C.

5

2
Suy ra thé tich cin tinh V = flwx“dx =
)2 2"

0
Cau 41. Tinh thé tich ¥ cta phan vat thé giéi han bdi hai mit phdng x=0 va
x =1, biét ring khi cit vat thé béi mat phing tiy § vudng goc véi truc Ox tai diém
c6 hoanh d6 x (0 <x <) thi dugc thiét dién la mot tam giac déu canh 1a 2+sinx.

A. V=23r. B. V=38 C. V=23 D. V =8
4 s1n4x 3 _ 3sinx.

Loi giai. Dién tich tam giac déula S(x)=

Suy ra thé tich cin tinh ¥ = f\/g sin xdx = —/3 cos x T 2+/3. Chon C.
0 0

CAu 42. Cho hinh phing D gi6i han bdi dudng cong y =2x — x> va truc hoanh. Tinh
thé tich ¥ cta khoi tron xoay tao thanh khi quay D quanh truc hoanh.

aAv=1r gy lT c.v=121 D.v=2C
15 15 15 15
L&i giai. Phuong trinh hoanh d6 giao diém: 2x—x* =0 < lx - 5
X =
) X 2 CASIO
Thé tich can tinh V = 7rf (Zx —x’ )2 dx = 116: Chon A.
0

Céau 43. (PE CHINH THUC 2016 - 2107) Cho hinh phing D gidi han béi dudng
cong y=+/x>+1, truc hoanh va cac dudng thing x =0, x =1. Tinh thé tich ¥ cta

khéi tron xoay tao thanh khi quay D quanh truc hoanh.

A V—437T B.V —2r C. V—4 D. V-2

1 CASIO 471-

Loi giai. Thé tich cin tinh V—wf( 22 +1 ) dx = f x° +1 5 . Chon A.

0
CAu 44. Cho hinh phing D gi6i han bdi dudng cong y=Inx, truc hoanh va dusng

thdng x =e. Tinh thé tich ¥ cta khéi tron xoay tao thanh khi quay D quanh truc
hoanh.
A V=n(e+l). B.V=m(e—1). C. V =re. D. V=n(e—2).

L&i giai. Phuong trinh hoanh d6 giao diém: nx=0<x=1.

) . y CASIO
Thé tich cAn tinh ¥ = f In?xdx =~ 2,25654.
1

Do6i chiéu két qua véi bon dap an da cho. Chon D.



Cau 45. Ki hiéu ¥, ¥, 1an lugt 1a thé tich ctia khéi cau ban kinh don vi va thé tich
khéi tron xoay sinh ra khi quay quanh truc Ox hinh phing giéi han béi dudng thing
y=—2x+2 va duong cong y=2+1—x>. Ménh dé nao sau day 1a ding?

AV, <T,. B.V,=V,. C.7,>7,. D.V,=2V,.
Léi gidi. Ta ¢6 7, :%ﬂ@ Ly :§7r (dvtt).

. -0
Phuong trinh hoanh 6 giao diém: 21— x? =2(1—x)—<as0 ¥ g
X =

AY

y=2/1—x"

x
—
-

O 1

y=—2x+2
1

21—+ )2 [Z(Ix)]z‘dx —r [|-8x" +8xfdr = 4777.
0

Vay v, =V,. Chon B.

1
Thé tich ¥, = [
0

CAu 46. Mot Bac thg gém lam mot cai lo c6 dang
khéi tron xoay dugc tao thanh khi quay hinh ~  "@-—----------——_2
phing gi6i han béi cac duong y=+x+1 (d6 thi
nhu hinh vé) va truc Ox quay quanh truc Ox.
Biét day lo va miéng lo c6 dudng kinh 1an lugt 1a
2dm va 4dm. Tinh thé tich ¥ cua lo. 1

Y=

]
I
|
|
|
i
|
I
&
3

A. V =8rdm’. B. V:lST”dm3. C. V =7xdm’. D. V =177dm°.

Lo&i giai. Tix gia thiét, suy ra ban kinh hai day 1an lugt 14 1dm va 2dm.

Suy ra \/x——&—lzl—>x=0 va \/x——&—l:2—>x:3.
) 3 2 3 CASIO {51
Thé tich ctia lo ¥ =7Tf<\/x—+1) dx :wf(erl)dx = Tdm-“', Chon B.
0 0
Céau 47. (PE CHINH THUC 2016 - 2017) Cho hinh phing D gidi han bdi dudng
cong y=e", truc hoanh va cac duong thing x =0, x=1. Tinh thé tich ¥ cta khéi
tron xoay tao thanh khi quay D quanh truc hoanh.
e 7T(€2 +1) 2_1 7T(€2 71)

Av="2 B.Vv—— /.  cyr=f£—_. D.V—
P P ) )



1 w(ez —1

1 1
Li giai. Thé tich cdn tinh ¥ = [ (e* Jdv=n [edx = %776“ = T) Chon D.
0 0

0
Cau 48. (OF MINH HOA 2016 — 2017) Ki hi¢u () 13 hinh phing giéi han béi db
thi ham s6 y=2(x—1)¢*, truc tung va truc hoanh. Tinh thé tich ¥ cta khdi tron
xoay thu dugc khi quay hinh (H) xung quanh truc Ox.

A V=4-2. B V=(4-2)r C.V=¢-5 D. 7 =(c’-5)m.

Loi giai. Phuong trinh hoanh d¢ giao diém: 2(x—1)e' =0 x—1=0& x =1,

) R ! 2 ! 2, CASIO

Thé tich can tinh ¥ =7 [[2(x~1)e'[dr=dr [ (x—1)¢*dx = 7,50544,
0 0

Doi chiéu két qua véi bon dap an da cho. Chon D.
Cau 49. (PE CHINH THUC 2016 - 2017) Cho hinh phing D gi6i han bdi dudng
cong y =+/2+cosx , truc hoanh va cac dudng thdng x =0, x = % Tinh thé tich ¥ caa
khéi tron xoay tao thanh khi quay D quanh truc hoanh.

AV =m—1. B.V:(Tr—l)w. C.V=(7r+1)7r. D.V=n+1.

T

pl CASIO
L&i giai. Thé tich cin tinh V = wf(\/Z—i—cosx)z dr=m | (2+cosx)dx = 13,01119.
0

o%m\:l

Doi chiéu két qua véi bon dap an da cho. Chon C.
Cau 50. (PE CHINH THUC 2016 - 2017) Cho hinh phing D giéi han bdi dudng
cong y=+/2+sinx , truc hoanh va cac duong thing x =0, x = = . Khéi tron xoay tao
thanh khi quay D quanh truc hoanh c6 thé tich ¥ bing bao nhiéu?
A. V=2(7r+1). B. V=27r(7r+1). C. V=27 D. V =2m.
) . g g CASIO
Lasi gidi. Thé tich cdn tinh ¥ = [ (V2 ¥ sinx) dy=r [(2+sinx)dr = 26,02239.
0 0
D61 chi€u ké&t qua véi bon dap an da cho. Chon B.
Cau 51. Ky hi¢u (H) 1a hinh phing gi6i han bdi cac dudng y=/sinx—cosx+m,

y=0, x=0 va x:% v6i m 1a tham s6 thuc 16n hon 2. Tim m sao cho thé tich ¥

2
ctia khéi tron xoay thu dugc khi quay hinh (H) xung quanh truc hoanh bang 3%

A. m=6. B. m=4. C. m=3. D. m=09.

L&i giai. Thé tich can tinh V =7

/7;
(«/sinxfcosx+m)2 dx:wf(sinxfcosqum)dx
0

o%m\q

ks 2
> mm mm
EY R IRCN Y
0 ﬂ—[ * 2 ] W( ) 2

= (—cosx —sin x + mx)

2 2 2
Theo gia thiét Vz%@ m;r =%®m=3 (théa man m >2). Chon C.

Cach CASIO. Thé tich can tinh ¥ =7 [ (sinx —cosx+m)dx . Dén day thi ting gia

o%m\:l

. 0 s . PPN o s 3M
tri m G cac dap an vao, dap an nao cho két qua % thi nhan.



2

Cau 52. Cho hinh phidng D gidi han bdi cac @6 thi ham s6 y :%. va y=«. Tinh

thé tich ¥ ctia khéi tron xoay tao thanh khi quay D quanh truc hoanh.

A.V:1247T. B.V:1267r. C. V_1287r D. V_l317r'
15 15 15 15

N 2 . .2 xz x=0
Loi giai. Phuong trinh hoanh d6 giao diém Vi x < 4

X =

AY
y=x
X
V= 1 R
0 i
23? CASIO

Thé tich cAn tinh V == f [ ] —x*|dx 1?8“ Chon C.

Cau 53. Hinh phing (H) gi6i han béi cdc dudng y=x” +1, truc tung va tiép tuyén
ctia d6 thi ham s6 y =’ +1 tai diém (1;2). Khi quay hinh (H) quanh truc Ox tao

thanh khéi tron xoay c¢6 thé tich ¥ bing:
A.V:éw. B. V—ﬁw C.V:iw. D V=nm
5 15 15

Loi giai. Tiép tuyén ctia d6 thi y=x"+1 tai
diém (1;2) c6 phuong trinh y=2x.

1
Thé tich cén tinh ¥ =7 f (1) - (2x)2‘ d

xetdau 8r
_7rf|x 2y +1|dx—7r[x—2x +1)d ==

A 2

Ch()n C. }'=2x4

Cau 54. Cho hinh phing D giéi han bdi cac db thi ham s6 y=4—x> vd y=2+x>.
Tinh thé tich ¥ ctia khéi tron xoay tao thanh khi quay D quanh truc hoanh.

A. V=107 B. V =127. C. V =14nr. D. V =16r.
Loi giai. Phuong trinh hoanh d6 giao diém: 4 — x> =2+ x? < x = +1.
y=24x°

¥

X

o

—1 ol 1

Thé tich cAn tinh V:yrﬂ(4—x2)2 —(2+x2)2‘dx=7r]‘|12—12x2|dx = 16 Chon D.
1 -1



Cau 55. Thé tich ¥ ctia khéi tron xoay khi y=x'-1 \
cho hinh phdng giéi han béi cac duong
y=1-—x> vd& y=x>—1 quay quanh truc
Ox dugc xac dinh bdi cong thic nao sau
day?

A. V:W]I‘|(1_x2)2 el By ffioat) (2 1)a

c. V:Wfl(lxzf . D. V:J;[(le)z(lxz)z}dx.

Loi giai. Phuong trinh hoanh d6 giao diém: 1—x* = x> —1 < x = +1.
Vi d6 thi ham s8 y=1—x d6i xiing v6i db thi ham s6 y = x* —1 qua truc hoanh nén
thé tich khéi tron xoay cin tinh bing thé tich khéi tron xoay khi cho hinh phing gidi
han béi cac dudng y=1—x%, y=0, x=—1, x =1 quay quanh truc Ox.

1
Vay cong thitc tinh thé tich 1a ¥ = [ (1-x’ J'dx. Cheon C.

Z1

Cau 56. Cho hinh phing (H) gi¢i han bdi cic dudng y=x" va y =/x. Khéi tron
xoay tao ra khi (H) quay quanh Ox c6 thé tich ¥ dugc xac dinh bing céng thic nao

sau day ?
A. V:7rf01(x47x)dx. B. V:w‘]:(xzf«/;)dx.

C. V:W](\/;—xz)dx. D. V:w](x—x“)dx.

. =0
L&i gidi. Phuong trinh hoanh d6 giao didm: x> =/x < lx .
X =

y=Ax

Y

o 1

Thé tich can tinh ¥ = 7r]1|x4 - x| dr = TI'](JC —x* )dx. Chon D.
0 0

Cau 57. Cho hinh phing (H) gi6i han béi do thi YA r=—x42
ham s6 y=—+/x, duong thdng y=—x+2 va truc 9 4 %
hoanh. Khéi tron xoay tao ra khi (H) quay quanh 0 e
Ox c6 thé tich ¥ dugc xac dinh bing cong thiic nao
A y=—vx
sau day ?
2 4 2 4
A.V:wfxderf(Zx)zdx]. B.V:wfxdxf(Zx)zdx]
0 2 0 2
2 4 4 4
C.V:foder (xZ)de‘. D.V:wfxdxf(Zx)zdx]
0 2 0 2




Loi giai. @ Goi V] 1a thé tich khéi tron xoay khi quay hinh phéng gi6i han béi db thi
ham s6 y = —Jx, truc hoanh, dudng thing x =0, x = 4 xung quanh truc Ox

—V, = 77.?(&)2 dx :w.jxdx.

® Goi ¥, la thé tich khéi tron xoay khi quay hinh phéng gi6i han béi d6 thi ham s&
y =—x+2, truc hoanh, dudng thing x =2, x =4 xung quanh truc Ox

4
——V, = [ (2—x) dx.
=
4 4
Suy ra thé tich can tinh V' =V, —V, = w.fxdxfw.f(fo)z dx. Chon D.
0 2

Cau 58*. Cho hinh phéng (H) giéi han béi % dudng tron c6 ban kinh R =2, dudng

cong y =+/4—x va truc hoanh (mién t6 ¢ddm nhu hinh vé). Tinh thé tich ¥ cta khéi
tao thanh khi cho hinh (H) quay quanh truc Ox.
J_.l

y=Ad—x

Y=

Av=TE By T c.v=2. D. v =21,

L&i giai. Phuong trinh hoanh d¢ giao diém: V4—x =0 < x = 4.
® Goi ¥, la thé tich khéi tron xoay khi quay hinh phing gi6i han béi i duong tron

¢6 ban kinh R =2 (nhu hinh v&), truc hoanh va dudng thng x =0 xung quanh truc
Ox
—— thé tich tao thanh 1a ntia khéi cAu ban kinh R =2.
—V —l 4 mR® = 27r.23 :16_7r.
2°3 3 3
® Goi ¥, la thé tich khdi tron xoay khi quay hinh phdng giéi han béi cac duong

y=+4—x,y=0, x=0, x =4 xung quanh truc Ox
4
—>VZ:7rf(4—x)dx:87r.

0

Vay thé tich cin tinh V = V,+V,= ﬂ; Chon D.

Cau 59*. Cho hinh phéng (H) giéi han béi cac dudng y=—Jx+2, y=x+2, x=1.
Tinh thé tich ¥ cta vat thé tron xoay khi quay hinh phéng (H) quanh truc hoanh.

A. V_ZZ”. B. 11_927r C.V=9r D. V=27

Loi giai. DAy thudc bai toan kho, ta phai vé hinh phat hoa méi kiém soét dugc.

L4y déi xting phan d6 thi ham s6 y = —/x+2 qua truc hoanh ta dudc @6 thi ham s6
=+/x+2. Khi d6 thé tich ¥ cin tinh dugc tao thanh khi cho hinh phéng (H') giéi

han bdi cac dudng y=+x+2, y=x+2, truc Ox va dudng thdng x=1 quay quanh

truc hoanh.



Xét cac phuong trinh hoanh d6 giao diém:

-2
Jrt2=x+2e|" | VA x4+2=06x=-2.

e Goi V7, la thé tich khéi tron xoay khi quay hinh phing la tam giac 4BC dudc gidi
han béi cac dudng y = x +2, truc hoanh va dudng thidng x =1 quanh truc hoanh

1
—V :Wf(x+2)2dx:97r.
2

e Goi 7, la thé tich khéi tron xoay khi quay hinh phing (phin t6 mau) dudc giéi han
bdi cac duong y=x+2, y =+/x+2 quanh truc hoanh

'Vz_

1 (m)z —(x+2)2

Vay thé tich cAn tinh V=V1+V2=97r+%:527r Chon D.

Nhan xét. Bai nay hoc sinh 1am sai kha nhiéu, 1i do 14 khéng vé& hinh ma lam theo
2 9
(x+2) —(—x+2) }dx:%

Cau 60. Cho hinh phing (H) gii han béi cac vl /
duong y=e*, y=0, x=0 vd x=Fk (k>0). Goi
V, 1a thé tich khéi tron xoay khi quay hinh (H)

1
cong thic V = 7Tf
-2

quanh truc Ox. Biét rang ¥, = 4. Khing dinh nao
sau day 1a khang dinh dung:

A.1<Ie<%. B.%<Ie<2. —/ -

0 k x
C.l<k<1. D.O<k<l.
2 2
k k
2¢ 3. T oax| T 2
Loi giai. ThetlchV—wf x_wf dx—Ee O—E(e —1)
Theoglath1etV—4(:>7r(eZk ) Zk:8+7r
2 T

_,k:%m[8+7r]e[;, ] Chon C.



Cau 61. Goi ¥ 1a thé tich khéi tron xoay AY
tao thanh khi quay hinh phéng giéi han béi M
céc dudng y=+/x, y=0 va x=4 quanh y:«,f’;

truc Ox. Duong thing x=a (0<a<4) cét
db thi ham s6 y=+/x tai M (hinh vé bén).
Goi ¥, 1a thé tich khdi tron xoay tao thanh

khi quay tam gidc OMH quanh truc Ox.
Biét ring ¥ =2V;. Khi dé:

A .a=2. B.a:2x/§. C.a=
L&i gidi. Phuong trinh hoanh d6 giao diém: vx =

4
Thé tich V == f xdx = 8.
0

Taco M (a;\/; ) . Khi quay tam gidc OMH quanh truc Ox tao thanh hai hinh nén c6

chung day:
® Hinh nén (N, ) c6 dinh 1a O, chiéu cao OK = a, ban kinh day R = MK = Ja nén cé

2., S 1 2 o 1 2 _ 71'612
thé tich bang §7rR .OK—ETI'(\/E) .a_T.

® Hinh nén (N,) c6 dinh 1a H, chiéu cao HK =4—a, ban kinh day R= MK =+/a
2 S 2 2
nén c6 the tich bang éﬂ'RZHK:%ﬂ-<\/;) .(4ia):47ra37ra '

ma’®  4ma—mad® 4ra
SuyraVj=—+F————=——.
yrh=og 3 3

Theo gié thiét ¥ — 2V, < 87 — 2.%7ra—>a — 3. Chon D.
CAau 62. Tinh thé tich ¥ cta khéi tron xoay duge sinh ra khi quay hinh phing giéi
han béi dudng tron (C): x> +(y — 3)2 =1 quanh truc hoanh.
A. V =6m. B. V =6r". C. V =3n% D. V =6x.

Loi gidi. Taco x* +(y—3) =1 AY

( ) y=3++1-1
y=3+v1-+ xe[-L]
y= 3—+1- x’ [ ¥

Thé tich cAn tinh

—_—

ver (3+\/1fo) 7(37\/173:2) ]dx | i SN
1 : :
1 CASIO i I;

=127 [J1-x"dr = 59,21762. ; |
-1 | ] .

DG chidu két qua véi bdn dap an da cho. Chon D. — —




Cau 63. Cho hinh vuéng c6 d6 dai canh bing 8cm va
mot hinh tron ¢6 ban kinh 5cm dude x&p chéng 1én nhau

sao cho tAm ctia hinh tron trung véi tAm cua hinh vuéng r \
nhu hinh vé bén. Tinh thé tich ¥ cta vat thé tron xoay
tao thanh khi quay mé hinh trén quanh tryc XY. i T
2607 2907 4 \
cm’. \ V
3 3

5807 o —
cm’,
3
L&i giai. Chon hé truc toa d6 nhu hinh vé.
4 5007

e Thé tich khéi cu ¥, :%MS =§7r53 3

e Goi ¥, 1a thé tich khéi tron xoay khi quay hinh phing (H) (phin t6 mau) dugc giéi

A. V= cm®. B. V =

C.V cm®. D. V =

5207
3

han béi dudng théng y =4, dudng tron y*> =25—x% vi x =4 quanh truc hoanh

4
—7, :wf|42—(257x2)|dx:1077r.
3

AY
5
4
x
@
-5\-4 0 3 |4/5
-4
-5
Vay thé tich cAn tinh V =V, +2V, = 220w cm’.
Cau 64. Bén trong hinh vuéng canh a, dung A
hinh sao bén canh déu nhu hinh vé bén (cac
kich thuéc can thiét cho nhu & trong hinh).
Tinh thé tich ¥ ctia khi tron xoay sinh ra khi . .
quay hinh sao d6 quanh truc Ox. @ ) a7
2 2
Av=""g, By=2g al4
48 16
c.v="g D.v=2g.
6 8

L&i giai. Do hinh sao c6 tinh d6i xting nén ta quay theo truc thdng ding hay nim
ngang déu cho thé tich nhu nhau.

Chon hé truc toa d6 nhu hinh vé.

Goi ¥ 1a thé tich khéi tron xoay can tinh.

Goi ¥, la thé tich khéi tron xoay khi quay hinh
phing dugc t6 mau trong hinh bén quanh truc
hoanh. Khi d6 V =2V,.




3 2 2 2 ;

X a a Sma
Taco V,=n [——1——} dx—7 [Zx——J dx = .
{2 4 [ 2 96

57a’
48
Cau 65. Cho hai tam giac caAn c6 chung ducng M X N
cao XY =40cm va canh day lan lugt 1a 40cm

Suy ra thé tich can tinh ¥ =2V, =

Chon A.

<
:

)

N

va 60cm , dudc x&p chéng lén nhau sao cho dinh \ Vd
cla tam gidc nay la trung diém canh day cua \ \ 7
tam gi4c kia nhu hinh vé& bén. Tinh thé tich ¥ A
cta vat thé tron xoay dugc tao thanh khi quay ff \\.i/’ )
mo hinh trén quanh truc XY . A Y B

AV = 404807 cm’. B.V= 5203007r cm’.

v/
A\
\

\

4623407r om”. D. ¥V =19207cm’.

L&i giai. Chon hé truc toa d6 nhu hinh vé: AY
Y =0(0;0), X (40;0), 4(0;20), M (40;30). » M
3x

Phuong trinh duong YM :3x—4y=0—y= R 20 A

C.V=

Phuong trinh AX :x+2y—40=0—y = 40;".

Phuong trinh hoanh d6 giao diém ctia hai dudng Y X
_ 16 40

x _-x e

4

Thé tich vat thé cin tinh

16 2 40 2
— B
p o[22 e 2] ar - 262407 oy
2 4 3
0 16

\ LS

YM va AX la:

Chon C.



