Van dé 1. Piém va dudng thing

Cau 1. Xét cac so phtic z, w théa méan |z+2—2i| = |z—4z'| va w=iz+1. Gia tri nhoé nhit caa

|w| bang
A. % B. % C. 2. D. 242,

Cau 2. Xét cac so phtc z théa méan |z/=|z—1+2i|. Gi4 tri nhé nhdt ctia biéu thic
P =|(1+2i)z+11+2{ bing

A. ﬁ B. \/E C. g D.
2 2 5

N | w»

~ 7 z v 7. 2 ~ ol ol A 2, A ki ~ / 1 N
Cau 3. Xét cac sb phtic z thoa man |z +1 —z| = |z —31|. Modun 16n nhat cua s6 phic w=— 1a
z

A 25 B. 45 c. 25 p. 75
7 7 10 10
Cau 4. Xét cac s6 phic z théa man |¢* —2z+5|=|(z—1+2i)(z+3i—1)|. Gia trj nhd nhat ctia
biéu thtic P =|z—2+2i| bing
3 5
Al B. - C. > D. 5.
2 2 V5
Cau 5. Xét cac so phitc z thod méan |z+2i|=|z—1-24|. Goi w 14 s phic thod man diéu kién
w = (1+7)z+2. Gi4 tri nhé nhat ctia biéu thiic P = |w| bang
1 1 5 5
A - B. —. e D. —.
3 5 34 Ja1

Cau 6. Xét cac s6 phtic z, w théa méan |z—1—3i| §|z+2i| va w+1+3z’| §|w—2i|. Gi4 tri nho

nhAt cta biéu thic P = |z — w| 1a

A VB4 B, Y26, c. 2. p, V26
2 4 13 13

Van dé 2. Piém va dudng tron
Cau 1. Xét cac so phitc z théa méan |—iz+1|=1. Goi m, M lan lugt 1a gia tri nhé nhat va gia
tri 16n nh4t cta biéu thic P = |z| Tinh §=2020—M +m.
A. §=2014. B. §=2016. C. §=2018. D. §=2022.

Cau 2. Xét cac sd phtic z thda man |z—2—3z’| =1. Gia tri 16n nhat va gia tri nho nhat cta

biéu thiic P =z +1+1 lan lugt 1a

A V1342 va 13-2. B. V13 +1 va /13 -1.

C. 6 va 4. D. J13+4 va \13-4.
Cau 3. Xét cac s6 phiic z théa man |(1+7)z+1-7i[=+2. Goi m, M lan lugt la gia tri nhé
nh4t va gia tri 16n nhat cua P:|z|. Tinh S=M —m.

A S=2. B. S=4. C. s=10. D. §=24.

(1+i)z

—1

Cau 4. Xét cac sd phtic z, w thoa man +2|=1 va w=1iz. Gia tri 16n nh&t cta biéu

thic P = |z—w| bing
A. 3 B. 23 C. 32 D. 3.3
Cau 5. Xét cac s6 phtic z;, z, théa mén |z, —1+i=1 va z, = 2iz,. Gié tri nhé nh4t caa biéu

thic P= |221 —zz| bang



A. 242 B. 2-22. C. 4-22. D. 8—+2.

Cau 6. Xét cac s6 phic z théa man z khong phai 1a s6 thuc va w = 2;2 1a s6 thyc. Tim
gia tri 16n nhat P, cta biéu thiic P=|z+1—il.

A P, =2 B. P =2 C. P, =22 D. P, =8.
Cau 7. Xét cac s6 phtic z thda mén |z| >2. Biéu thic P = Z:i dat gia tri nhé nhat va gia

tri 16n nh4t 14n lugt tai z, va z,.Tim phan 4o a cua s6 phiic w =z, +z,.
A a=-4 B. a=0. C.a=1. D. a=4.
Cau 8. Xét cac sb phiic z thda mén |z| =1. Goi M, m lan lugt 1a gia tri 16n nhat va nhoé nhat

cua P= 22+ . Tiso M bing
z— m
A. 5+jﬁ. B. —9+;1ﬁ. C. _10+;6«/3_4_ D. —25+:J3_4.

Cau 9. Xét hai s6 phic z, z, thay d6i thoa man |z, —z,|=|z, 42, +4—2i|=2. Goi 4, B lan
lugt 1a gia tri nhd nhat va gia tri 16n nhét ctia biéu thic |z, +|z,[". Gia tricta 4+ B la

A. 20. B. 24. C. 28. D. 32.
CAu 10. Xét cac s6 phiic z, w thda man |z|=+/5 va w= (4—3i)z+1-2i. Gia tri nh6 nhat caa

|w| bing

A. 345. B. 445. C. 545. D. 645.

Cau 11. Cho sb phtic z thdéa man dong thoi |z—1+2i| =5 vd w=z+1+i c6 mddun 16n
nhat. S6 phiic z c6 médun bing

A. 6. B. 2.5. C. 3v2. D. 5V2.
Cau 12. Xét cac s6 phtic z théa man |z—2—4i|= 24/2. Trong cac s§ phiic w théa méan
w=z(147), goi w, va w, 1an lugt 1a s6 phic c6 médun nho nhéit va médun 16n nhét. Khi d6
w, +w, bing

A. —2+6i. B. 2+4i. C. —4+12i. D. 4+8i.
Cau 13. Xét cac s6 phiic z thoéa |z—1+2i|= 2+/5va s6 phite w théa (5+10i)@ = (3—4i)z—25i.
Téng gia tri 16n nhat va gia tri nho nhat cia biéu thic P = |w| bing

A. 2410. B. 4. C. 4/5. D. 6.
Cau 14. Xét cac s0 phic z théa mén |z+Zz|+|z—Z] :|z2|. Gi4 tri 16n nh&t cta biéu thic
P= |z -5 —21'| bang

A V2 +35. B. V2 +543. C. 5+243. D. \/5+342.

g N Y 2 N N N
Van dé 3. Duong thang va duong tron
Cau 1. Xét cac sd phtic z thoa man |z, —2|"—|z +4 =1 va cac s8 phic z, théa man
|z, —4—i|=+/5 . Gia tri nho nhdt cha P =|z, —z,| bang

A. 5. B. 2./5. C. % D. %

Cau 2. Goi (C,) la tap hgp cac s6 phtc w thoa man |w+2—3i|<|w—3+24. Goi (C,) la tap
hop cac s6 phiic z théa méan |z—2+4i| <1. Gia tri nho nhat cta biéu thic P = |w—z| béng
A 23-1. B. 23 +1. C.3V2-1. D. 3J2 +1.



Cau 3. Xét cac s6 thic z théa man |z—2i|<|z—4i| va |z—3-3i|=1. Gi4 tri 16n nhét cta biéu
thiic P =|z—2|+1 bang

A. 542, B. V10 C. V10 +1. D. V13 +1.
Cau 4. Xét cac so phtic z, w théa man |z'z—21'—2| < |z—1| va max{|w+2 —21'|,|w|} <2. Gia tri
nho nh4t cta biéu thic P = |z—w| béng
A B, Y5
25 2

Cau 5. Xét cac sd phiic z, w thda man

9 13
C. —. D. —.

245 245
max{|z|;|z—1—i|}§1 R,
. Gia tri nho nhit cua biéu thic
|w+1+21’|§|w—2—i|

P:|z—w| bing
A. 0. B. % C.V2-1. D. 242-1.

Cau 6. Ki hiéu S 1a tap hgp cac s6 phiic z théa mén |z—1|=+/34 va
(trong d6 meR). Goi z, z, 1a hai s§ phtic thudc tap hgp S sao cho |zI —zz| 14 16n nhat. Khi

z+1+mz’|:|z—|—m+2i|

d6, hay tinh gia tri ctia biéu thiic |z, +z,|.

A. |zl+zz|:\/§. B. |zl+zz|:2. C. |zl+zz|:10. D. |zl+zz|=\/ﬁ.
Cau 7. Biét s§ phiic z=x+yi (x;y €R) thoa man dong thoi |z—(3+4z')| —=+/5 va biéu thitc
P= |z +2|2 —|z —z'|2 dat gia tri 16n nhat. Tinh |z| )

A. |2|=433. B. |z|=50. C. |z|=+/10. D. |2|=5V2.

CAu 8. Xét cac s6 phtic z théa man |z -1 —3i| =+/13. Goi m, M 14n lugt 1a gia tri nhé nh4t va

16n nhat ctia biéu thic P =|z+2 ~|z—3/". Téng m+ M bing

A. 10. B. 25. C. 34. D. 40.
Cau 9. Xét cac s6 phiic z=x+yi (x;y €R) thoa man |(1+z')z+2—z'| =4. Gi4 tri 16n nhat cta

|2

biéu thiic T:|x+y+3| bing
A. 4. B. 42. C. 4+2v2. D. 8.
Cau 10. Xét cac s§ phtic z théa man ||z+2|=|1+2i]. Gi4 tri nhé nhét cia biéu thic

P=lz—1-2i|+|z-3—4i|+|z—5—6i| dudc viét dudi dang ab, véi % 12 phan s6 t6i gian.
Gia tri cia a+b bang
A. 10. B. 11. C.12. D. 17.

z21 =%

—1

14 s6 thuc.

Cau 11. Xét cac s6 phic z, z, thod man |z, —3—4i|=1, |z, +1|=|z,—i] va

Goi M, m 1an lugt 1a gié tri 16n nhét va gia tri nho nhét cia |z, —z,|. Tinh P=M +m.
A. P=145. B. P=165. C. P=185. D. P =2045.

z,—z . 0 .
2“1 13 s6 thyc. Tong gia

Cau 12. Cho z la s6 phic, z, 1a s6 thyc thoa méan |z, —2i|=1 va "
i

tri 16n nh&t va gia tri nhé nhét cia biéu thic P = |z1 —zz| l1a

A. 2. B. 2V2. C. 3\2 D. 42.
Cau 13. Cho z=x+yi (x,y€R) la s6 phtic théa méan |E+2—3z’| < |z+i—2| <5. Goi M, m
lan lugt 14 gia tri 16n nhat va nhé nhat cia P = x> + y* +8x+6y. Gia tri M +m bang

A. %—2@. B. %H«/ﬁ C. 60 —204/10. D. 60+ 204/10.



Van dé 4. Puong tron va dudng tron
Cau 1. Xét cac s6 phiic z, z, théa man |z; —4|=1 va iz, —2|=1. Gia tri nhd nhét cta biéu
thic P = |z1 —|—222| bing
A. 245-2. B. 4-42. C. 4V2-3. D. 442 +3.

Cau 2. Xét cac s6 phiic z,, z, théa man |z, -3/ +5/=2 va |iz, —142i|= 4. Gi4 tri 16n nhat cta

biéu thiic P = |2iz, +3z,| béing
A. 313 +16. B. 313. C. /313 +8. D. /313 +24/5.

Cau 3. Xét cac s6 phiic z,, z, théa man |z|=12 va |z, —3—44=5. Gi4 tri nhé nhat cha biéu

thic P = |z1 —zz| bing

A. 0. B. 2. C.7. D. 17.

Cau 4. C6 bao nhiéu gia tri cia tham s§ m dé ton tai duy nhét s phiic z théa man zz =1
va ‘zf\/ngi‘:m ?

A. 0. B. 1. C. 2. D. 3.

Cau 5. Goi S 1a tap hgp cac s6 phtic z thoa mén |z—z’| >3 va |z—1| <5.Goi z,2,€8 lan
lugt 1a c4c s phtic ¢6 modun nhé nh4t va 16n nhat. Khing dinh nao sau day dung ?

A,z +2z,=12-2i. B. z;+2z,=-2+12i. C. z;,+2z, =6—4i. D. z, +2z, =12+ 4i.
Cau 6. Xét cac s6 phitc z théa mdn 1<|z—2+i <4 Goi M la gia tri 16n nhit cla
|z—2+3i|, m 1a gié tri nho nhat cta |z+2—2i|. Tinh M +m.

A M+m=3. B. M+m=5. C. M+m=6. D.M+m=17.
|z—|—21’| < 245
|z—4i| <22
A. 3\2. B. 3.5. C. \5++2. D. 6.
|z—1—z’| >1
|z—3-3i| <5

Cau 7. Xét cac s6 phtic z thdoa mén | Gia tri 16n nhdt cia T = E+1—4z’| bang

Cau 8. Xét cac s0 phic z=x+yi (x,y €R) thoa man 1 Goi m, M lan lugt la

e 1 Lk s s s1a r o 1R i . o M
gia tri nho nhat va gia tri 16n nhat cua biéu thitc P=x+2y. Ti s6 — bang
m

c. 2. D. 14,
1 5

A. B.

NI
N

|z—1—z'|23

|z—3—4i|§x/m.

Cau 9. Xét cac s6 phiic z=x+yi (x;y € R) thoa man { Gia tri nho nhat caa

biéu thiic P = x+3y bing
A.5. B. 7. C. 13. D. 4+34/10.

Van dé 5. Parabol
Cau 1. Xét cac s6 phtic z=a+bi (a,b €R) thoa 4(2—2)—15i:z'(z+2—1)2. Tinh P=—a+4b

khi |z —%—i— 3i| dat gia tri nho nhat.
A. P=4. B. P=5. C. P=6. D. P=7.

Cau 2. Xét hai s6 phtc z,, z, théa man 2|z, +i|=|z —z —2i| va |z, —i—10|=1. Gia tri nho
nh4t ctia biéu thiic |z, —z,| bing

A. V10 +1. B. 3\/5-1. C. V101 —1. D. /101 +1.



g ~ 2 .
Van dé 6. Doan thang - tia
Cau 1. Xét cac so phtic z théa man |z+2—z’| +|z—4—7z’| = 6+/2. Goi m, M 1an lugt 1a gia tri
nhé nhat va gia tri 16n nhat caa |z -1 +z'| .Tinh P=m+ M.

A P—J34+73. B.P_M. C. P=5v2 12473 | D.p_@.

Cau 2. Xét cac s6 phic z théa man |z —1—1+|z—8— 3/ =+/53. Gia tri 16n nhat cta biéu thic
P= |z+1+21’| bing

A. /53 B. 53. c. Y185 D. 106.

2
CAu 3. Xét cac s6 phiic z thda méan |z+2—3i|+|z—6—i|:2«/ﬁ. Goi M, m lan lugt 1a gia tri
16n nh4t va gia tri nhd nhat ctia biéu thitc P=|z+1-2i|—|z—2+1i.
A M =32, m=0. B. M =32, m=+2.
C. M =32, m=5J2-2.5. D. M =+/2, m=5v2 —245.
Cau 4. Xét cac s6 phtic z thdoa méan |z+372i|+|z—3+i| =34/5. Goi M, m 1an lugt 1a gia tri
16n nh4t va gia tri nhé nhat ctia biéu thic P =|z+2|+|z—1-3i.
A M =17+5, m=32. B. M =+/26 +2+/5, m = 3/2.
C.M:\/%+2\/§,m=x/§. D.M:\/ﬁ+\/§,m=\/5.
zz—l—%i

Cau 5. Xét cac s6 phic z, z, théa |z, +1-2i+|z, —3-3]=2 =J17. Gia tri 16n

nhét cta P =|z —z,|+|z, +2—i| béing

A. 217 B. 3v29. C. V17 ++29. D. V17 +2+29.
Cau 6. Xét cac so phtic z théa man |z’z—2i—2|—|z—|—1—3i| =+/34. Gia tri nhd nhat cla biéu
thtic P:|(1+i)z+2i| bang

A2 B. 3./2. C. 42. D. /26.
J17

Cau 7. Xét cac s0 phitc z dong thoi thoa méan |z—4+3i|—|z+4+3i|=10 va

z—3—4i| nho
nhét. Médun ctia s6 phtic z bang

A. 5. B. 5V2. C. 6+2. D. 10.
Cau 8. Xét cac s6 phtic z=a+bi (a,b€R) théa man |z—1—2i| = |E+3z’|. Tinh P=a+5 khi
T = ||z—3—4z'|—|z—1+z'|| dat gia tri 16n nhat.

A. P=2. B. P=6. C.P:2?6. D.P:?.
Cau 9. Xét cac s6 phtic z théa mén |z+2|=|z+2i|. Gia tri nho nhat cta biéu thic

P:|z—1—2i|+|z—3—4z’|+|z—5—6z’| dugc viét duéi dang % v61 a, b€ Q. Tinh a-+b.
A a+b=2. B. a+b=3. C.a+b=4 D.a+b=7.

Cau 10. Xét cac s6 phic z,, z, dong thdi théa man |z —1-2i|=|z—3+2i| va |z, —z,|=+/5. Gia

tri nhé nhét cta biéu thic |z, —1-3i|+|z, —1— 34| béng

A 145 ' B 3485 C. J1105 D. «/1165.

5 o5 5 5




Van dé 7. Phuong phap lay do6i xiing

Cau 1. Xét cac so phiic z=a+bi (¢;b€R) thoa man |z—5—3z’|:|z—1+5i|. Tinh a+b khi
biéu thtic P =|z—2—2i|+|z+3—7i| dat gia tri nho nhat.

A a+b=-1 B. a+56=0. C.a+b=1. D.a+b=2.
Cau 2. Xét cac s0 phiic z, z,, z, théa man |z, —4—5i|=|z, —1|=1 va |z +4i|=|z—8+4i. Tinh
M :|z1 —zz| khi P:|z—zl|—|—|z—zz| dat gia tri nhé nhAit.

A. M =25 B. M =6. C. M =41 D. M=8.
Cau 3. Xét cac s6 phtic z;, z, théa méan |z +3+2i|=1 va |z,+2—i=1. 86 phtic z ¢6 phin
thic bang a, phin 4o bang b théa mén 2a—b=0. Tinh P =|a|+|p| khi |z —z|+|z—2z,| dat
gia tri nhé nhat.

A. P=1. B. P=3. C. P=4. D. P=7.
Cau 4. Xét cac s phic z, z, théa man |z, —5+3i|=|z, —1-3i| va |z, —4—3i|=]|z, —2+3i.
Gia tri nhé nhét ctia biéu thiic P =|z, —z,|+|z —6+i|+|z, —6—i| biang

A. 2:310. B. . c. 130 p. 18

2 13 i3

Van dé 8. Tam ti cu

Cau 1. Xét cac s6 phic z théa man |z+5—il=2+3/|. Dat P=|z+3-9i +|z—1-5{". Biét
P dat gia tri nho nhat tai z, va P dat gia tri 16n nhat tai z,. Gia tri cia biéu thtc |zI —zz|

bang

A. 2413. B. 2415. C. 443. D. 52.
Cau 2. Xét cac so phtic z théa man |z +1—21’| =3+/2. Goi m, M 1an lugt 1a gia tri nhé nh&t va
16n nhat cta biéu thic P = |z—3+2i|2 —2|z -2 —i|2. Téng m+ M bing

A. -30. B. —12. C. 14. D. 68.
Cau 3. Xét cac s6 phtic z=a+i (a,b € R) thoa man |z—4—31’| =5. Tinh a+b khi biéu thuc
Q= |z +2 —21’|2 +2|z —4 Jrz'|2 + 3|z +2i|2 dat gia tri 16n nhat.

A.a+b=11. B.a+b=12. C.a+b=13. D. a+b=14.
Cau 4. Xét cac so phiic z,, z, théa man |z—3—-4i|=2 va |z, —z,|=1. Gia tri nho nh4t cua
biéu thitc P = |21|2 —|zz|2 bing

A. —4-3\5. B. —6-25. C. 5. D. -10.

Van dé 9. Phuong phap can bang hé s6
Cau 1. Xét cac s6 phtic z thdoa mén |z| =1. Gia tri16n nhatcta T = |z +1| +2|z —1| bang
A. 245 B. 24/10. C. 3v2. D. 3/5.
Cau 2. Xét cac s6 phtic z théa |z - 1| = /2. Gia tri 16n nhét ctia T = |z +z'| +|z -2 —z'| bang
A 4 B. 442. C. 8. D. 8v2.
Cau 3. Xét cac so phiic z=a+bi (a;6€R) c6 mddun bang 2 va phén ao duong. Tinh gia tri
biéu thitc S =[5(a+5)+2
A. §=0. B. s=1. C. §=2%% D. § =2"%,

}20

* khi biéu thitc P =2+ 2|+3[2—2| dat gia tri 16n nhit.



-1 1

Cau 4. Xét cac so phiic z thda man =—. Goi M, m lan lucgt la gia tri 16n nhat va

z+3i| 2
nhd nhit caa P:|z+z‘|+2|2—4—|—7z‘|. Gia tri M +m bang
A. 10+2+/5. B. 10 +44/5. C. 20+24/5. D. 20 +44/5.

Cau 5. Xét s0 phiic z théa man |z+1-24|= 242, Vé6i a, b 1a s6 thuc duong cho trudc, gia tri
16n nhét cta biéu thic P = alz—1|+b|z +3+4i| béng

A i+ B. V24 267 C. 4\2d> +20%. D. & +5.
Cau 6. Xét cac s6 phiic z=a+bi (a,b €R) théa man |z—4—3i|:\/§. Tinh a+5 khi biéu
thitc P=|z+1-3i|+|z—1+i| dat gia tri 16n nhét.

A a+b=4 B. a+b=6. C.a+b=8. D. a+b=10.
Cau 7. Xét cac s6 phic z=a+bi (a,b €R) thoa man |z—4—3i| =242. Tinh 2a+5 khi biéu
thitc P =|z—1+2i|+|z—9—6i| dat gia tri 16n nhat.

A, 2a+b=1. B. 2a+b6=09. C. 2a+b=12. D. 2a+5=13.
Cau 8. Xét cac sd phtic z thdéa méan |z—2—21’| =1. Gia tri 16n nhat cta biéu thtc
P:|z—3—2i|+|22—2+4i| bang

A. 5. B. 24/5. C. 3/15. D. J10.
Cau 9. Xét cac s6 phiic z thod man |z—2—i|= 24/2. Goi M, m 1an lugt 1a gia tri 16n nh4t, gia
tri nhé nh4t caa biéu thic P = |z+3—2i|+|z—3+4i|. Tinh M +m.

A. M +m =226 +642. B. M +m =226 +82.
C. M+m=112. D. M +m=1642.

Cau 10. Xét céc s6 phlic z=a+bi (a,b€R) théa man |z—3—2i|=2. Tinh a+5 khi biéu thic
T = |z+1—21’| +2|z -2 —5i| dat gia tri nho nhat.

A. a+b=3. B. a+b=2+-/3. C.a+b=4—1/3. D. a+b=4++3.
Cau 11. Xét cac s6 phic z=a+bi (¢,b€R) théa madn |z|=2. Tinh a+b khi biéu thitc
P =|z—4]|+2|z+1+4i| dat gia tri nho nhét.

A a+b=-2. B.a+b=2. C. a+b=25. D. a+b=445.

Cau 12. Xét cac s6 phic z théa man diéu kién |z+i|=1. Gi4 tri nhé nhat cta biéu thic
P:‘Ef\/ffi‘+\/§‘zf\/§+3i‘ bing

A #. B. \2. C. 3. D. 3.

Cau 13. Xét cac s6 phiic z théa man diéu kién |z—1—i|=>5. Gia tri 16n nhat cta biéu thic

P:2|z—8i|—|z—7—9i| bing

A2 B. 33, c. 35 D. 5.5.
2 2 2
Cau 14. Xét cac s6 phtic z thoa |z|=1. Gia tri 16n nh4t caa biéu thic T =|z+2|+2|z-2]
bang
A 2. B. 2./5. C. 5. D. 52.

Cau 15. Xét cac s6 phtic z thdéa méan |2z+1—3z’|:\/§. Gia tri 16n nhat caa biéu thic
P =|z—1|+3|z+1-2i| bang
A 2V2. B. 4. C. 4\/2. D. 44/3.



Cau 16. Cho s6 phtic z=a+bi (a,b€R) thoa man |z—3-3/=6. Tinh a+b khi biéu thtc
P =2|z+6—3i|+3|z 4145/ dat gia tri nho nhat.
A a+b=2-2J5. B.a+b=2J5-2. C.a+b=2/5-4. D. a+b=4-25.

Van dé 10. Elip

Cau 1. Xét cac s6 phtic z théa man |z+4|+|z—4|=10. Gia tri 16n nh4t va nhé nhét cua |2

1an lugt 1a
A. 10 va 4. B. 5 va 4. C. 4 va 3. D. 5 va 3.

_|_

2 . . L
z’z+,—1 =4. Goi M va n lan lugt la gia tri

z'z—&-i
1 i—

—1

Cau 2. Xét cac s6 phtic z théa man

16n nhat va gia tri nhé nhat caa |z| Tinh M .n.

A Mn=1. B. Mn=2. C. Mn=22. D. M.n=2/3.
Cau 3. Xét s6 phtic z théa man |(z+2)z'+l|+|(2—2)i—1|:10. Goi M va m la gia tri 16n
nh4t va gia tri nho nhat caa |z| Tinh téng S = M +m.

A. =417 B. §=2421. C.S=38. D. $=9.
Cau 4. Xét cac s6 phtic z thod mén |z4+1—i|+|z—3+i=6. Tim gia tri nhé nhdt P, cua
biéu thiic P =|z+1+4i|.

A P, =2/5-2. B.P, =2J5+2. C. P, =~5-2. D. P, =5-+2.

Cau 5. Xét cac s6 phiic z théa |z —1—i|+|z+1+3i]| = 6+/5. Gia tri 16n nhét clia P = |z—2—3i]

bang

A. 24/5. B. 44/5. C. 545. D. 64/5.
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Van dé 1. Piém va dudng thing

Cau 1. Xét cac so phtic z, w théa méan |z+2—2i| = |z—4z'| va w=iz+1. Gia tri nhoé nhit caa

|w| bang
A. % B. % C. 2. D. 242,

Loi giai. Datz =x+ yi (x,y € R) vd M(x;y) la diém biéu dién s6 phic 2.
Tu |.z+272i|:|zf4z'|——>(x+2)2 +(y-2Y =% +(y-4) ©x+y=2—— tap hgp diém M

1a duong thing A:x+y=2.
yA

N

o N \A

Ta c6 P:|w|=|z'z—|—l|:|z'(z—z')|:|z—i|:MN v6i N(0;1).

0+1-2] _
V2

Cach 2. Diat z=x+ yi (x'yeR Tu |z+2—2i|:|z—4z’|—>y:2—x.

Dua vao hinh vé ta thiy P, = MN,., =d(N,A)=

min

. Chon A.

Khidé w=iz+1=i(x+yi)+1=ix— y+1—zx (2 x)+1=(x—1)+xi

Suyra|w| ,lx 1 , x—— +2, 2

Cau 2. Xét cac so phtc z théa méan |z/=|z—1+2i|]. Gi4 tri nhé nhdt cta biéu thic
P =|(1+2i)z+11+2{ bing

A B. 2. c. 2.
2 2 5

Loi giai. Datz =x+ yi (x,y € R) vd M(x;y) la diém biéu dién s6 phic 2.

D.

N | w»

T |z|:|2—1—|—2i|—>x2—|—y2z(x—l)2+(—y+2)2<:>2x+4y:5—> tap hop diém M 1la
dudng thdng A:2x+4y=>5.

N

Tacé P=|(1+2i)z+11+2i|=[1+2{|z+ 120 V5|z+3—4i| =5MN véi N(-3;4).
2.( 44-5
Dua vao hinh vé ta thay P, & MN,, — P, =+5.d(N,A)= \/_| J—;_O | 2 Chon D.



~ z z e . 2 ~ . o A 2, A7 2 A 7. 1 ~
Cau 3. Xét cac s6 phtic z thoa man |z +1 —z| = |z —31|. Modun 16n nhat cua s6 phtic w=— 1a

z
A 25 p. 45 . 25 p. 75
7 7 10 10
Loi giai. Datz =x+yi (x,y € R) vd M(x;y) la diém biéu dién s6 phic 2.
Tit |z4+1—i|=|z =3 ——(x+1) +(y—1) =x* +(y—3) & 2x +4y=7——t 4p hop diém M
1a duong thing A:2x+4y=7.
Y
A

N

S
/va

Ta c6 |w|= H_1__ 1 v6i 0(0;0).
z |z| oM
Duya vao hinh vé ta thay |W|mX < O0M,, — |W _ 1 V20 2\/5. Chon A.

m T g(0,A) [20+40-7] 7
Cau 4. Xét cac s6 phic z théa man |z* —2z+5|=|(z—1+2i)(z+3i—1)|. Gia trj nhd nhat ctia
biéu thtic P =|z—2+2i| bing

3

A. 1. B. > C. D. 5.

N |

Loi gii. Ta c6 |2 —2z+5|=|(z—1+27)(z +3i — 1)

z=1-2i
|z—1-2i|=|z+3i 1]
® TH 1. V6i z=1-2i. Khid6 P=|z—2+2i|=[1-2i—2+2i|=1.

® TH 2. V6i |z—1-2i|=|z+3i 1.

& |(z=1+42i)(z—1-2i)| = |(z—1+2i)(z+ 3~ 1)| &

Datz=x+yi (x,y €R) vd M(x;y) la diém biéu dién s8 phiic z.
Tt |z-1-21=|z+3i ~1|——(x 1) +(y-2) =(x—1 +(y+3) ©2y+1=0—— tap hop
diém M 1a duong thing A:2y+1=0.

Yya

o 2 T
—0,5 M: A
—2f--eeme e A

Taco P=|z—2+2i|=MA véi A(2;-2).

S T T wE fa (A 2.(-2)+1 3
Dua vao hinh vé ta thdy P, < MA,, — P, =d(4,0)=——— = >
So sanh hai truong hgp ta thady B, =1. Chon A.

Cau 5. Xét cac so phitc z thod méan |z+2i|=|z—1-24|. Goi w 14 s phic thod man diéu kién
w = (1+7)z+2. Gi4 tri nhé nhat ctia biéu thiic P = |w| bing

1 1 5 5

A = B. —. C— D. —.

3 5 V34 Ja1

Loi giai. Datz =x+ yi (x,y € R) vd M(x;y) la diém biéu dién s6 phic 2.



T |z+21]=|z-1-2i|——x* +(y+2) =(x -1 +(y-2) ©2x+8y=1—— tap hop diém
M 1a duong thdng A:2x+8y=1.

T

) o)
A

Tacé P=|w|=|(1+i)z+2|=~2|z+1-i|=V2MN véi N(-1L1).

)+8.1-1 5

. 2.(-1
Dua vao hinh vé ta thdy P. = MN_,_ — P =+2d(N,A :\/E‘— =
% y min min min ( ) \/@ \/ﬁ

Cau 6. Xét cac s phiic z, w thoa man |z—1-3i[<|z+2i| va

Chon C.

w+1+3i| <|w—24|. Gia tri nho

nhAt cta biéu thic P = |z — w| 1a

PNRLEESY B, Y26, c. 2. D, V26
2 4 13 13

Loi giai. Goi z=a+bi va w=c+di (a, b, ¢, d €R).
° |z—1—3i|§|z+2i|—>(a—l)2 +(b—3)z <d’ +(b+2)2 S a+50>3—— tap hop diém M
biéu dién s6 phiic z 1a phén té6 dam nhu trén d6 thi cé tinh bién A:x+5y=3.
® w143 <|w—2i]—— & (c+1) +(d+3) <* +(d—2)’ & c+5d <-3—— tap hop diém
N biéu dién s& phiic w 14 phan gach chéo nhu trén db thi c6 tinh bién A’:x+5y=—-3.

YA

3426
13
D4u "=" x4y ra khivachikhi M€ A, Ne M va MN L A’. Chon D.

Dua vao hinh vé ta thdy P=|z—w|=MN >d(A;A') =

Van dé 2. Piém va dudng tron

Cau 1. Xét cac sb phtic z thoéa méan

—iz+1|=1. Goi m, M lan lugt 1a gi4 tri nhé nhat va gia
tri 16n nh4t cta biéu thic P = |z|. Tinh § =2020—M +m.

A. §=2014. B. §=2016. C. $=2018. D. S =2022.
Loi giai. Ta c6 |-iz+1|=1<|-i|.|]z+i|=1<|z+i=1—— tap hop cic diém biéu dién s¢
phtc z thudc dudng tron c6 tdm 7(0;—1), ban kinh R=1.



Khi do |7 :|OI_R|:|1_1|:0—>{’"0 —,5=2018. Chon C.

P, =O[+R=1+1=2 M=2

Cau 2. Xét cac s6 phitc z théa mén |z—2-34|=1. Gi4 tri 16n nh4t va gia tri nho nhét cua

biéu thiic P=|z +1+ lan lugt 1a

A V1342 va 13-2. B. V13 +1 va J13-1.
C. 6 va 4. D. V13 +4 va J13—-4.

L&i giai. Ta c6 |z -2- 3z'| =1—— tap hop cac diém M biéu dién s6 phtic z thudc dudng tron
c6 tam 1(2;3), ban kinh R=1.
YA

¥s

[XC) R

Tacé P=[z+1+i|=|z+1-i|= M4 véi A(-11).
P, =AM, =|AI —R|=13 -1
P, =AM, =|AI+R|=+13+1
Cach2.Tacoé P=[z+1+i|=|z+1—1i.

Theo gid thiét: 1=|z—2 3| =[(z+1-)~3-2i| > [}z +1—i|-|-3 24| =|P 13|
Suy ra [P—V13| <1———1< P—V13 <113 -1< P <13 +1.

Vay . Chon B.

Cau 3. Xét cac s6 phiic z théa man |(1+z')z+l—7z’| =+2. Goi m, M 14n lugt 1a gia tri nho
nhat va gi4 tri 16n nhat cia P =|z|. Tinh S=M —m.

A. §=2. B. S=4. C. §=10. D. §=24.
1-7i| 2
1+i]| 144
diém M biéu dién s& phitc z thudc dudng tron c6 tAm 7(3;4), ban kinh R=1.

Loi giai. Ta c6 |(1+1')z+1—7i|=\/5<:>‘z+ & |z—(3+4i)|=1—— tap hop céc




Ys
M,
Al I
1 E M
L &
o 3

P
Khi dé6 { " —— S5 =2. Chon A.

=OM, =[0I —R|=|5-1=4 {m:4
_—
P =OM,=0I+R=5+1=6

M=6
(1+1’)z

—7

Cau 4. Xét cac sd phtic z, w thdéa man

—1—2‘ =1 va w=iz. Gia tri 16n nhit caa biéu

thic P:|z—w| bing

A3 B. 2./3 C. 3\2 D. 33
o o e |(1F7)2 2(1=4)| [1-i . . ez
Loi giai. Tu ———+42/=1&|z+——=|—/|&|z-2i|=1—— tap hop cac diem M
1— 1414 1+
biéu dién s6 phiic z thue dudng tron c6 tam 1(0;2), ban kinh R=1.
Y\
M2 3
M
112
1
M,
X
5 -

Theo gi thist P=|z—w| = |z—iz|=|z||l—i| =2 |{| =~20M véi 0(0;0).
=~20M, =~2|0I + R|=+2[2+1|=32. Chon C.

A z 2 ~ . ~ . N . tz . ~, R
Cau 5. Xét cac s6 phiic z,, z, théa man |z, —1+i|=1 va z, =2iz. Gia tri nhé nhét cua biéu

Dua vao hinh vé ta thdy P,
thitc P =|2z, —z,| béng

A 2-\2. B. 2—242. C. 4-2\2. D. 8—+/2.
Loi giai. T |z, —1+i
c6 tam I(1;—1), ban kinh R=1.

—1—— tap hop cac diém M biéu dién s6 phtic z thudc dudng tron

Y|

(0 1 T
M,

—1- N\ o I
M

Theo gia thiét ta c6 P =|2z —zz|22:——2&1 |22, —2iz,| = 2|1 —i||z,| = 2v20M vsi 0(0;0).



Dyia vao hinh v ta thay B, = 2y20M, = 2v2|0I - R| = 242|\2 ~1|=4-212. Chen C.

CAu 6. Xét cac s6 phiic z théa man z khong phai l1a s6 thuc va w= szz 1a s6 thyc. Tim
gia tri 16n nhét P, cta biéu thic P=|z+1—4|.
A. P, =2 B. P, =2. C. P, =22 D. P =8.
L&i gidi. Vi z khong ph4ila s6 thuc nén z—z=0.
Taco w=—2——i=—" ViwlasSthucnén w=iwe > =~
24z 24z 24z 24z

<:>z<2+22):Z<2+22)@2(2—2)22.2(2—2)(:} z-2=0 (loai)(:)

|z|2 :2—>|z|:\/5.

zzZ =

N

Suy ra tap hop cac diém M biéu didn s6 phtic z la dudng tron c6 tam O(0;0), ban kinh

R=A2.

Yl

M

Tacé P=|z+1-i|=MA véi A(-L1). Vay P, = AO+R=~2++2=2y2. Chon C.

z41
z

Cau 7. Xét cac so phtic z thoa man |z| >2 . Biéu thtc P =

dat gia tri nhé nhat va gia

tri 16n nh4t 1an lugt tai z, va z,.Tim phan 4o a cua s6 phiic w =z, +z,.

A. a=-4. B. a=0. C.a=1. D. a=4.
e «2 e A A Z+Z Z . 1 1 .
Loi giai. Bién doi P = =l+—|=li——|=|——1i
z z z| |z

j< L
Dit z'— L khi do A0
£ P=|z'-i (2)

® (1)—— tap hop céac s6 phic z' 14 hinh tron tam 0(0;0), ban kinh R :% (trit tam O).

® Xét (2). bat 4(0;1)——P=MA véi M la diém biéu dién ctia s6 phtic z'.
Ya

Atl

M|

N =

M,




‘Pmm :AM1:_ khl Z':—l—)Z:—:_zl
Dua vao hinh v, ta thay 23 2 1 z
‘Pmax :AMZ :5 khi z'=——f———s2z2=—=24
zZ

z,=—2i .
— . ——w=0+0:;. Chon B.
z, =21

Cau 8. Xét cac s0 phitc z théa mén |z|=1. Goi M, m 14n lugt la gia tri 16n nhét va nhé nh4t

cia P =2 i 56 M bing
z— m
A STH2 B, 9t42 c. 10+6v34 D, 25+4V34
Loi giai. Dat w = 22+21 Sw(z-2)=2z+isz(w=2)=2w+i——z= 2W+21_
zZ— w—

Theo gia thiét |z|:1—>‘2W+2i :1(:)|2w+i|:|w—2|.
W_

Goi w=x+yi (x,y €R). Khi d6 ti

2w—|—i|:|w—2|
2 2
— <2x>2+<2y+1>2=<x—z>2+y“:*["+§] *[H%] -5

L a2 B I N N N 2 2 .
—— tap hgp cac diém M biéu dién s6 phiic z thudc duong tron cé6 tdm [ [—g;—g], ban

J17

B 22 V17
Do ds P—|22 1] Fae =01+ R= =m0 757 M 25+4434
odoP:| 2|:|w| s T = 9 . Chon D.
7
Pmm:|OI—R|:—%+%

Cau 9. Xét hai s phiic z,, z, thay d6i théa man |z, —z,| =z, + 2, +4—2i|=2. Goi A4, B lan
lugt 14 gia tri nhd nhat va gia tri 16n nhat cta biéu thic |zl|2 +|z2|2 . Giatricia 4+ B la

A. 20. B. 24. C. 28. D. 32.
L&i giai. Goi M, N 1an lugt 1a diém biéu dién cta hai s6 phtc z,, z,.

Goi K latrung diém cia MN —— K 1a diém biéu dién cla s6 phiic “TZZ
® |z, —z|=2—MN=2.
. z, +z, . R PR A N R R
® |z +z,+4-2i|=2¢& T+2—z =1—— tap hop cac diém K thudc dudng tron cé tAm

I(—2;1), ban kinh R=1.

2 MN=2
Taco T =|z| +|z,| =OM? +ON* = 20K* + M;V = 20K’ +2.

Suy ra T,,, € OK,,,, md OK,,, =0l +R=11\5——T,, =2(1+5] +2=14+4V5;



Ty,  OK,y,, ma OK,y, =[0F — R| =[1—5|——T,,, =2(1-V5) +2=14-45.
A=14-45
Va \/_—>A+B:28. Chon C.
B=14+45

Cach 2. Ta ¢ 2T:2|zl|2 —|—2|zz|2 :|:<71 —zz|2 —|—|zI —|—zz|2 :4—+—|:<71 —|—zz|2.
2§|zl—|—zz|+|4—2i| |zl+zz|22\/§—2
. .
2>z +z,| |4 —2il |2, +2,| <2452
Vay 14—45 <T <14+ 44/5.
Cau 10. Xét cac s6 phitic z, w théa man |z|=+/5 va w:(4—3i)z+1—2i. Gia tri nho nhit caa

Tu

zl+zz+42i|2ﬂ{

|w| bang

A. 3\5. B. 4/5. C. 55. D. 6+/5.
Loi giai. Taco w=(4-3i)z+1-2i & w—1+2i=(4-3i)z.
Suy ra |w—1+2i|= |(4—3z’)z| =|4-3i|.|z| = 5+/5—— tap hop cac diém M bibu dién s6 phic
w thudce duong tron ¢6 tam I(1;,—2), ban kinh R = 545.
Vay |u],,, =[0I — R|=|[J5 - 5/5| = 4/5. Chon B.
Cau 11. Cho sb phtic z thdéa man dong thoi |z—1—|—2i| =5 vd w=z+1+i c6 mddun 16n
nhat. S6 phiic z c6 médun bing

A. 6. B. 24/5. C. 3v2. D. 52.
Loi giai. Taco w=z+1+iow=(z-142)+2—i S w—-2+i=(z—1+2i).
Suy ra |w—2+1 =|z—1+2{=+/5—— tap hop cc diém M biéu dién s& phtic w thude dudng
tron ¢6 tdm (2;—1), ban kinh R = 5.

YA
M
(0] 4 i
12 !
-1 " I i
) M,

Duya vao hinh vé ta thay s6 phiic w c6 mddun 16n nhat c6 diém biéu dién 1a M, (4;-2).
V6i M, (4;-2)——w=4-2/—*=" 7 =3_3i=|;|=3y2. Chon C.
Cau 12. Xét cac s6 phtic z thoa mén |z—2 —4z'| =242. Trong cac s6 phtic w thdéa mén
w=z(147), goi w, va w, 1an lugt 1a s phic c6 médun nhé nhét va médun 16n nhét. Khi d6
w, +w, bang

A. —2+6i. B. 2+4i. C. —4+12i. D. 4 +38i.
Loi giai. Tu |z—2—4z'| =22—— tap hop cac diém M biéu dibn s6 phic z thudc dudng
tron c6 tam I(2;4), ban kinh R =242



y
6 - M,
41/ M
2]--3 L :
oy | z
1 2 3

Taco P=|w|=|z(1+i)|=||.[1+i] =2 || =~20M véi 0(0;0).
Duya vao hinh vé ta thay

® P, =\20M, Diu"="xdyra © M =M, & z=1+2i——w, =(1+2i)(1+i)=—1+3i.
® P =20M, Ddu"="xayra & M =M, & z=3+6i——w, =(3+6i)(1+i)=—3+9i.

Vay w, +w, =—4+12i. Chon C.
Cach2.Taco w=z(1+i)ow=1+i)(z—2—-4i)-2+6i & w+2—6i =(1+1i)(z—2—4i).
Suy ra |w+2—6z’|:|(1+z')(z—2—4i)|:|1+z’|.|z—2—4i|=x/§.2\/§=4—> tap hop cac diém N

biéu dién s6 phiic w thudc dudng tron cé tam J (=2;6), ban kinh r = 4.

Yy
N2

I__l6

N i

IV
-12
i x

Dua vao hinh vé ra thdy s6 phiic w c¢6 médun nhé nhét cé diém biéu dién 1a N,; phic w c6
mddun 16n nhét c6 diém biéu dién 1a N,.
Khi d6 w, +w, = ON, +ON, = 20] ——w, +w, = 2(—=2+6i) = —4 +12i.
Cau 13. Xét cac s6 phiic z thoa |z—1+2i|= 2+/5va s6 phite w thdéa (5+10i)5 = (3—4i)z—25i.
Téng gia tri 16n nhat va gia tri nho nhat cia biéu thic P = |w| bing
A. 2410. B. 4. C. 45. D. 6.
Loi giai. Ta c6 (5+104)@ = (3—4i)z—25i
< (5+10i)@ = (3—4i)(z—142i)—5-35; (muc dich dé taora z—1+21)
& (5+10/)@+5+35i = (3—4i)(z—1+2i) (chuyén vé).
Suy ra |(5+10i)@+5+ 351 =|(3—4i)(z —1+2i)| = 5.2/5 = 10V5.
., 5+35i]_ 1045

5410 [5+104]

dién s6 phttc w thudc duong tron c6 tdm I(—3;1), ban kinh R =2.

&|w+3+i|=24|w+3—i|=2—— tap hop cac diém M biéu



=
| 8

in

C|P.=0OM,=0I—R=+10-2
Dua vao hinh vé ta thay { ™ : V1o
P, =OM,=0I+R=+10+2

max

F, min

+ P, =2410. Chon A.

max

Cau 14. Xét céc s6 phiic z théa man |z+Z|+|z—Z|=|z’|. Gia trj 16n nhét ctia bidu thic
P=|z—5—21’| bang
A. 2+345. B. V2 +53. C. \5+243. D. J5+342.
z+z=2x
Loi giai. Pat z=x+yi (x,y€R), suyra z=x—yi——{z—z=2yi
21 12 L2 2
|z |7|z| =x"+y

Tit gid thiét |z +2|+]z — 2| = |¢*| —2[x| +2[y| = «* + 5", (*)
e TH1. {x i g, khi d6 (*) tr¢ thanh (x—1)" +(y—1)’ =2 c6 hinh biéu dién la cung tron nét
y=

lién 6 géc phan tu tha (I).
@ Tuong tu cho cac trudng hop con lai (tham khao hinh vé)

Goi A(5;2) va M (x;y) 1a diém biéu dién s6 phtic z, khi d6 P =|z—5-2i| = MA.
Vi 4 nam & géc phan tu tht (I) nén M4 16n nhat khi M phai ndm 6 géc phéan tu tha (III).
Suy ra MA,,, = AI, + R, =35 ++/2. Vay max P =35++2. Chon A.

g N S Y N N N
Van dé 3. Duong thang va duong tron
Cau 1. Xét cac s§ phtic z, théa man |z, 2] —|z +i’ =1 va cac s phtic z, théa man
|z, —4—i| =+/5 . Gia tri nhd nhat cha P =|z —z,| bing

A. 5. B. 2+/5. C. g D. %

Loi giai. Goi z=x+yi (x; yeR). Taco
® |2 —|z+if =1——(x-2) +y* 2~ (y+1) =122 +y-1=0—— tap hop cac sd
phiic z, 1a dudng thing A:2x+y—1=0.



° |z—4—z’|:x/§—>|(x—4)+(y—1)i|:Jg@(x—4)2—l—(y—l)z =5—— tap hgp cac s6 phiic
z, 1a duong tron (C) c6 tdm 1(4;1), ban kinh R=4/5.
y A

K

Khi d6 biéu thtic P =|z, —z,| 1a khoang cach tit mot diém thuéc A dén mot diém thude (C).

8 5 35
— —+/5|="—"=. Chon D.
NG 5 :

Cau 2. Goi (C,) 1a tap hgp cac s phiic w thoa man |w+2—3i|<|w—3+2i. Goi (C,) 1a tap

Tit d6 suy ra P, = MN =|d[I,A]-R|=

hop cac s6 phiic z théa man |z —2+4i|<1. Gia tri nhé nhét ctia biéu thiic P =|w—z| bang

A 2\3-1. B. 243 +1. C. 32 1. D. 32 +1.
Loi giai. Dat z=x+yi; w=a+bi (x,y,a,beR). Ta co

® |w+2-3i|<|w-3+2] ——(a+2)+(y-3) <(a-3) +(b+2) ©a—b<0—— tap hop
diém M biéu dién s6 phiic w thudc ntia mit phdng bd A:x—y=0 va ké ca bd (mién t6 dam
nhu hinh vé). Goi mién nay la (C,).

® |z-2+4i]<1——|(x—2)+(y+4)i|<le (x—2) +(y+4) <1—— tap hop diém N biéu

dién s phtic z 14 hinh tron (C,) ¢6 tAm I(2;—4), ban kinh R=1.
YA

Khi d6 biéu thiic P=|z—w|=MN la khodng cach tit mot diém thudc (C,) dén mot diém
thuoc (C,).
Tu désuyra P, = |d[[,A]—R| —=3y2-1. Chon C.
Cau 3. Xét cac s6 thtic z théa man |z —2i|<|z—4i| va |z—3-3i|=1. Gi4 tri 16n nh4t cta biéu
thic P = |z —2| +1 bing

A 542, B. /10 C. V10 +1. D. V13 +1.
Loi giai. Goi z=x+yi (x,y €R). Taco

o |z-2i|< z—4i|—>x2+(y—2)2§x2+(y—4)z(:>y§3—> tap hop diém biéu dién s6

phtic z thudc ntia mit phing bd A:y =3, ké ca bd (mién t6 dam). Goi mién nay la (C,).
® |:—3-3]=1—|(x—3)+(y-3)i| =14 (x—3)’ +(y—3) =1—— tap hop diém biéu dién
s0 phiic z 1a dudng tron (C,) c6 tm I(3;3), ban kinh R=1.



Nhu vay tap hop diém M biéu dién s8 phtic z 1a giao cia (C,) va (C,). D6 chinh la phan

cung tron nét lién nhu trén hinh vé (c6 tinh 2 diém dau mut D(2;3), C(4;3) cua cung).

)
A 3 I
;
o 2 3

Khi d6 P=|z—2|+1=MB+1 véi B(2;0) va MB la khodng cach tit diém B dén mot diém
thudc cung tron CD.
Tit d6 suy ra P, = BC+1=+/13+1. Chon D.
Cau 4. Xét cac so phtic z, w théa man |z'z—21'—2| < |z—1| va max{|w+2 —21'|,|w|} <+2. Gia tri
nho nh4t cta biéu thic P = |z—w| béng

AL .Y c. 2. D. 12

245 2 25 245
Loi giai. Goi M (x; ), N 1an lugt 1a diém biéu dién ctia hai s& phic z, w.
® |iz—2i-2|<|z—1||z—2+2i|<|z—]
S (x=2) +(y+2) <(x-1) +y* & —2x+4y+7<0—— tap hop diém M biéu dién s phiic
z thudc ntia mit phdng bd A:—2x+4y+7 =0 khong chita O (ké ca bd).
w+2-2i{<v2 |NI<+2,1(-2;2)

lw|<~2 {Nogﬁ, 0(0;0)

—— N thudc phan chung ctia hai hinh tron (I ; V2 ) va (O; V2 ) Ma hai hinh tron nay tiép

[ ) max{|w+2—21’|,|w|}§x/§, suy ra [

xtdc ngoai tai diém E(-1;1). Dodé N=E(-1;1).
i

2
1
0
/

Taco P= |z—w| = MN nén P nhd nhat khi MN ngén nhéit, khi @6 M 1a hinh chiéu ctia N

—2(—1)+4.1+7
trén A va P :d(N,A):| ( ) |: 13.
(—2)" +42 25

\D
B

| B

Chon D.

min

max{|z|;|z—1—z'|} <1

. Gia tri nho nhat cta biéu thic
|w+l+2i| §|w—2—i|

Cau 5. Xét cac sd phiic z, w théa man {

P= |z—w| bing

A. 0. B. C. 2 -1. D. 242 1.

|~



Loi giai. Goi M, N(x; y) lin lugt 14 diém bi€u dién ctia hai s8 phic z, .
® |w+l+2<jw—2—i]——(x+1 +(y+2) <(x—2) +(y-1) & x+y<0—— tap hop
diém N biéu dién s8 phtic w thudc ntia mit phdng bd A:x+y =0 va ké ca bd (mién t6 dam
nhu hinh vé).
) maX{|Z|;|Z—l—i|} <1, suyra {|z—1—i| =1 [MI <L ](1;1)
|| <1 MO <1, 0(0;0)

—— M thudc phan chung cta hai hinh tron (I;1) va (0;1) (phan gach soc nhu hinh vé).

Y4

Ta cé6 P= |z—w| = MN nén P nhdé nhat khi MN ngin nhat. Dya vao hinh vé ta thdy MN
ngén nhat khi N=0 va MN,, =O0I—1=+2—1. Chon C.

Cau 6. Ki hieu S 1a tap hop cac s6 phtic z théa man |z—1| =34 va |z+1+mz’| = |z—|—m+2i|
(trong d6 meR). Goi z, z, 1a hai s§ phtic thudc tap hgp S sao cho |z1 —zz| 14 16n nhat. Khi
d6, hay tinh gia tri cta biéu thic |z, + 2,

A. |zl+zz|=x/§. B. |z, +z,|=2. C. |z, +z,|=10. D. |zl+zz|:m.

Loi giai. Pat z=x+yi (x,y€R). Khido6

® |z—1|=+34—— tap hop diém biéu dién s6 phic z thudc dudng tron (C) c6 tam 1(1;0),

ban kinh R =/34. (1)
® |z+1+mi|=|z+m+2i|& (2m—2)x+(4—2m)y+3=0—— tap hgp diém biéu dién s6 phic
z thudc dudng thang A:(2m—2)x+(4—2m)y+3=0. (2)

Tit (1) va (2), suy ra tap cac diém biéu dién s8 phic z clia tap S 1a giao diém caa A va (C).

I

d(I,A)

A AN__ B
Goi 4, B lan lugt la cac diém biéu dién ctia hai s6 phtc z,, z,. Suy ra |z, —z,| = 4B.

Dé 4B 16n nhat < d(1,A) nhé nhit < A di qua diém 1.

Khi d6 1 1a trung diém ctia AB nén |z, +2,| ~|04 + OF| = 2|0i| = 201 = 2. Chon B.
Cau 7. Biét s6 phiic z=x+yi (x;y €R) thoa man dong thoi |z—(3+4z')| =+/5 va biéu thic
P=|z+2| —|z—i" dat gi tri 16n nhét. Tinh ||.

A. |z|=«/§. B. |z|:50. C. |z|=\/m. D. |z|:5\/§.



Loi gidi. Vi |z—(3+4i) =+5—— tap hgp cac diém biéu dién s¢ phiic z la dudng tron (C)
c6 tdm I(3;4) vabankinh R=+/5.

Ta c6 P:|(x+2)+yi|2 —|x+(y—1)z'|2 = (x+2) 45 —[xz +(y—1)2]:4x+2y+3
—4x+2y+3—-P=0.

Ta tim P sao cho dudng thdng A:4x+2y+3—P =0 va dudng tron (C) c6 diém chung

12 —P
@d[z,A}gR@%g\E@m—ﬂ§10<:>13ng33.
V20

max

4x4+2y-30=0 =5
Dodé P =33.Dau "="xayra @{ {x

(x=3) +(y—4) _5 7 |y=s5
Vay |z|= J52 452 =542 Chon D.
CAu 8. Xét cac s6 phtic z théa man |z —1—3i| =+/13. Goi m, M 14n lugt 1a gia tri nhé nhat va
16n nhat cta biéu thic P = |z +2|2 —|z - 3z'|2 . Téng m+ M bing
A. 10. B. 25. C. 34. D. 40.
Loi giai. Pat z=x+yi (x;y €R).
® Ti gia thiét |z—1-3i|= x/ﬁ——>(x—l)2 +(y—3)2 —=13. Suy ra tap hop cac diém biéu dién
s0 phtic z 1a dudng tron (C) ¢6 tam 1(1;3), ban kinh R=4/13.

® Laico P:|:<7+2|2—|z—3z'|2 =4x+6y—5——4x+6y—5—P=0. Suy ra tap hop cac sb phiic
z thudce dudng thing A:4x+6y—5—P=0.
Yyl

Rd N R 4.1 6.3_5_P
Dé ton tai z thi A va (C) phaic6 diém chung @d[[,A]SR@' —\;16 = |§\/13
+

=m+ M =34. Chon C.

e|l7-P|<26e-9<P<43——" "
M =43

Dau "=" x4y ra khi
v P =43 5P N\ 4x 4 6y—48=0. Toa dd diém z thoa

2 2
_ —3) = =3
(x=1) +(»-3) 13@{’6 . z=346i
4x+6y—48=0 y=

v P =9 BwP=9 A 4x+6y+4=0. Toa dd diém z thoa
1\2 _ayY -1

(x=1) +(y-3) 13@{x
dx+6y+4=0 y=0

— z=-1.

Cach 2. Ta c6 P:|z—i-2|2 —|z—31’|2 =4x+6y-—5

4_>|P—17|:|4(x—1)+6(y—3)|§\/(42 +67)|(x=1) +(y=3) | = (4 +6?).13 =26




Cau 9. Xét cac s6 phtic z=x+yi (x;y €R) théa mén [(14i)z+2—4=4. Gia trj 16n nhat chia

biéu thitc T =|x + y + 3| bang

A 4. B. 442. C. 4+2V2. D. 8.
Loi giai. Ta c6 |(1+z')z+2—z’|:4<:> erﬁ :i@ z+lféi =242 —— tap hop céc s§
14+i| |14 2 2
. < s . LA 1.3) . ..
phtc z la duong tron (C) c6 tdm I _E;E , ban kinh R =2+/2.
Yn
5
Ir- 3
2
A\ NO z
T
“2 \\\
z+y=0
N

x+y+3-T=0
x+y+3+T=0
® V6i A:x+y+3-T=0. Dé ton tai s6 phiic z tticla A va (C) phai ¢6 diém chung

Ta c6 T:|x+y+3|<—>

SRS N
sdlA]<ReL2 2 <22 4 0<T<8.
V2
® V6i A:x+y+3+T =0. D& ton tai s6 phtic z ticla A va (C) phai cé diém chung
S
@d[LA]SR@Zngﬁ@—nggo.

So sanh hai truong hop, ta c6 7, =8. Chon D.
Cau 10. Xét cac s6 phtic z thoéa man ||z+2|:|1+2i|. Gia tri nho nh&t cta biéu thic

P=|z—1-2i|+|z—3—4i|+|z—5—6i| duge viét duéi dang a/b, véi % 14 phan sb t6i gidn.

Gia tricta a+b biang
A. 10. B. 11. C. 12. D. 17.
Loi giai. Dat z=x+yi (x,y €R).
Khi d6 |z+2|=|1+2|——(x+2) +y* =5—— tap hop diém M biéu dién s& phitc z thude
duong tron (C) c6 tm I(—2;0), ban kinh R=4/5.
Ta co P =|z—1-2i|+|z—3—4i|+|z—5—6i|= MA+ MB+ MC véi A(1;2), B(3;4), C(5;6).
Yl




Nhén thdy cac diém A4, B, C cung thuoc dudng thdng d:y=x+1. Duong thing d cit
duong tron (C) tai hai diém P(0;1) va Q(—3;—2).

=9
Vay P. &< M =P va P_ :PA+PB+PC:9\/§:>{a ——a+b=11. Chon B.

min min

z,—z

Cau 11. Xét cac s phiic z,, z, thoda mén |z, —3—4i|=1,|z, +1|=|z, —i| va 2 1a s6 thuc.

Goi M, m 14n lugt 1a gia tri 16n nh4t va gia tri nho nhét cta |z, —z,|. Tinh P=M +m.
A. P=144f5. B. P=164/5. C. P=1845. D. P =2045.

Loi giai. Pat z, =a+bi, z, =c+di (a,b,c,d €R).

Goi A(a;b), B(c;d) 1an lugt 1a hai diém biéu dién s8 phiic z,, z,.

Suyra z, —z, :(TA—@:EZ——ﬂzI—zA:AB.

Do d6 tit %:k (k€ R)—— BA = k(2;—1). Suy ra dudng thing 4B c6 VTPT 7, —(1;2).

® |z, —3—4i|=1—— tap hop cac diém 4 la dudng tron (C) c6 tam I(3;4),ban kinh R=1.
® |z, +1|=|z, —i|——(c+1) +d* =c* +(d 1) & c+d=0—— tap hop cic diém Bla dudng
thdng A:x+y=0.

B,

—_—

]

Goi ¢ la gbéc gitta A va AB,tacod cosp = j i = 310 singo:L.

UTIRION 10 J10

Theo yéu cau bai toan ta can tim GTLN va GTNN cta A4B.

Do d[I,A]> R nén suy ra A khong cit (C). Goi H la hinh chiéu cua 4 trén A, ta c6

d|I,A|+R
maXAB:maXAH: [ ) ]+ :7\/§+\/ﬁ

AB = {4H — s d]s;mpR = P=1445. Chon A.
sin 1 _
P minap=minAH_dLAR g5
sinp sin
Céu 12. Cho z 14 s6 phiic, z, 14 s5 thuc thod man |z, —2i|=1 va % 1a 56 thuc. Téng gia
1

tri 16n nhét va gi4 tri nhé nhat ciia biéu thic P =|z, —z,| la

A 2. B. 2\2. C. 3\2 D. 4\2.
L&i gidi. Goi M, N 1an lugt 1 hai diém biéu dién s& phiic z,, z,.
Suyra z, —z —ON —OM = M]\—f——ﬂzl fzz| = MN.

Do d6 tir Zi—jrf"l:k (k€ R)—— MN = k(1;1). Suy ra dudng thing MN c¢6 VTPT n,,, = (;—1).
1



° |z1 —21’| —=1—— tap hop céac diém M la dudng tron (C) c6 tam 1(0;2), ban kinh R=1.
® z, 14 s6 thuc—— tap hogp cac diém N la dudng thdng A:y=0.

Y
M
211
M|
o = (1;1)
N N1 O X
(CY RN 2 ) 2
Goi ¢ la géc gita A va MN , ta c6 cosp = ‘ — :g smgOZT
LGYYARION

Theo yé&u cAu bai toan ta caAn tim GTLN va GTNN cua MN.
Do d[l,A] >R nén suy ra A khong cét (C)

Vi IO L A nén O la hinh chiéu cia M trén A, tacé MN = MO
sing
d|I,A|+R
maxMN:ma.XMO: [ - [+ =32
- S ] IS;“‘PR . Chon D.
min MN = mlTlMoz [ - I =2
sin g sin

Cau 18. Cho z=x+yi (r,y€R) la s0 phitc thoa man |z+2-31|<|z+i-2|<5. Goi M, m
lan lugt 14 gia tri 16n nhat va nhd nhat cia P = x> +y*> +8x+6y. Gia tri M +m bang

A @—N_ B. 156 1 2410. C. 60— 20410, D. 60+ 204/10.
|z+2—3i|§|z—|—z—2|<:)2x+y+2§0 )
Loi giai. Ta c6 . Suy ra tap hgp cac diem M (x;y) thoa

lz4+i-2|<5& (x—2) +(y+1) <25
yéu cau bai todn nim trén mién (H) t6 dam duge gi6i han béi dudng thing d:2x+y=-2 va
duong tron (C) c6 tm I(2;—1), ban kinh R=35 (ké ca bién) nhu hinh ve.
A

Ya

Tacé P=x"+y" +8x+6y=(x+4) +(y+3) —25=JM* 25 véi J(—4;-3).
Goi giao diém cta d va (C) 1a 4(2;-6), B(-2;2); C la giao diém cta doan IJ véi (C).
Dua vao hinh vé ta thay



® JM >min{J4,JB,JC}=JC=1] —IC=1] - R =210 -5.
® JM <max{J4,JB,JC}=JA=35.

M =(35) ~25=20
mz(Z\/E—S)Z 25 =40—20410

Vay — M +m=60-2010. Chon C.

Van dé 4. Puong tron va dudng tron
Cau 1. Xét cac s6 phiic z, z, théa man |z; —4|=1 va iz, —2|=1. Gia tri nhd nhét cta biéu
thiic P=|z +2z,| bang
A. 245-2. B. 4-42. C. 4V2-3. D. 442 +3.
Loi giai. bat z, = -2z, —— P = |z1 +222| = |z1 —(—222 )| = |z1 —z3|.

1
T z, =2z, >z, = & thay vao |iz, —2|=1 ta dugc

—liz3 —2‘ =1 |z3 —4z'| =2.
2

Goi 4, B 12 hai diém biéu dién cho hai s8 phiic z,, z,.

® |z, —4i|=2—— A€ duong tron tam 1(0;4), ban kinh R, =1.

® |z, —4|=1—— B¢ duong tron tAm J(4;0), ban kinh R =1.
yh

0]

P =|lJ—R —R|=4v2-3

. Chon C.
P =IJ+R +R,=4/2+3

Khi dé6 P:|z1 —zs|:AB—>{

Céch 2. Bién ddi |iz, 2| =1 222

1
Taco P=|z +2z,|= |(zI —4)+(2z, +4i)+(4 —41')|
>(22, +4i)+(4—4i)| |z, — 4|
>[4 — 41— |22, + 4i] — |z, — 4| = 42 - 3.

‘:1(—)

z, —%‘:1<—>|zz —|—2i|:1<—>|222 —|—4z'|:2.

Cau 2. Xét cac s6 phtic z,, z, théa man |z, —3/+5/=2 va |iz, —14 2i|= 4. Gi4 tri 16n nhat cta
biéu thicc P = |2izI +3zz| bing

A. V313 +16. B. v313. C. V313 +8. D. /313 +24/5.

Loi giai. Dit 2iz, = —3z, —— P =|2iz, 4 3z,| = |2iz, — 2iz,| = 2|z, — z,|.

Tu 2iz, =3z, — iz, = %.23 , thay vao iz, —1+ 2i| =4 ta dugc =45 =6.

§z3 —1+2i

z, —%—1—31’

Goi 4, B 1a hai diém biéu di&n cho hai s phiic z,, z,.

® |z, -3i+5=2 —— A€ duong tron tdm I(-5;3), ban kinh R =2.

Q—%+%

=6—— B¢ duong tron tam J[%;—3], ban kinh R, =6.



> >
vl
Ys

P.. =2/ -R —R,|=+313-16
P, =2(I/ +R +R,)=313+16
Cau 3. Xét cac s6 phtic z, z, thoa mén |z|=12 va
thitc P =|z, —z,| bing

A. 0. B. 2. C.7. D. 17.
Loi giai. Goi 4, B 1a hai diém biéu dién cho hai s8 phiic z,, z,.
® |z|=12 —— A€ duong tron tm O(0;0), ban kinh R, =12.

Khi d6 P =2|z,—z,|=24B—— Chon A.

z, —3—4i|=5. Gia tri nhd nhat cta biéu

® |z, —3—4i|=5—— B¢ dudng tron tdm 7(3;4), ban kinh R, =35.

Y
A
B
al--AT
.

o 12

e P, =[20I-R|=2
Khi dé6 P:|zl—zz|:AB——> . Chon B.

P, =20l +R =22

Cau 4. C6 bao nhiéu gia tri cia tham s§ m dé tén tai duy nhat s6 phiic z théa man zz =1
va ‘z—x/g+z"=m ?

A. 0. B. 1. C. 2. D. 3.
L&i giai. Goi 4 1a diém biéu dién cho s8 phiic z.
o zz=15f =1—]=1 Ae duong tron (C,) ¢6 tam O(0;0), ban kinh R, =1.

® Ta thay m=0——z=+3—i khong théa man zz =1 nén suy ra m > 0.
° ‘z—\/ngi‘:m —— A€ duong tron (C,) c6 tAm I(\/g;—l), ban kinh R, =m.



Nhén thdy O =2> R, suy ra I nim ngoai (C,).
Dé c6 duy nhat s6 phitc z thi (C,) va (C,) tiép xdc ngoai hodc tiép xtc trong, didu diéu nay
Ol =R, +R,

xay ra khi
R, =R +0I

m=3

m+1=2 m=1
_—
m=1+2

Vay c6 2 gia tri cia m théa man. Chon C.

Cau 5. Goi S 1a tap hop cac s6 phiic z théa mén |z—i|>3 va |z—1/<5. Goi z, 2z, €S lan

lugt 1a cac s8 phiic ¢6 modun nhé nhat va 16n nhat. Khing dinh nao sau day dung ?
A,z +22,=12-2i. B.z +2z,=-2+12i. C. z;+2z, =6—4i. D. z, +2z, =12+4i.

Loi giai. Gia st z=a+bi (a,bcR). Ta c6

o |z—1=(a-1) +8 <5 (a—1] +* <5

—— tap hop cac s phiic z nadm trong hoic trén dudng tron tdm 4(1;0), ban kinh R=5.

o |z—i|=yd+(b-1) >3- +(b-1] >3

—— tap hop cac s phiic z ndm ngoai hodc trén dudng tron tAm B(0;1), ban kinh R'=3.

Y4
1¢B
A 6 T
Qy .
-2 zZ1
zyw =2, =0-2{

Dua vao hinh vé ta thay { —— 2z, +2z, =12—2i. Chon A.

z,  =2z,=6+0i
Cach 2. Ap dung bét ding thiic ||zl| —|zz|| <lz, —z,| <z |+]2| -

3 <|z—i|< ||+ 2<|4 U
Ta c6 ——2< |4 <6
ol <le-1 <57 [l
|z1 —i| =3
D&u "=" thi nh4t xay ra khi |z1 —i| =3, két hop véi |z—1| <5 ta duge |z1 —1| <52z =-2i
2| =2
|z2 71| =5
Tuong tu cho ddu "=" thit hai, ta dugc {|z,|=6 z,=6 z+2z,=12-2i.

|zz—i|23



Cau 6. Xét cac so phic z théa man 1<|z—-2+i<4. Goi M la gia tri 16n nhét cta
|z—2+3z’|, m 12 gia tri nho nhit cta |z+2—2i| . Tinh M +m.

A. M+m=3. B. M +m=5. C. M+m=6. D. M+m=1.
Loi giai. Gia st z=a+bi (a,b€R). Ta c6

® |z—2+i|=\(a=2) +(b+1)° <4—(a—2) +(b+1) <16 — tap hop diém M biéu dién

s0 phiic z ndm trong hodc trén dudng tron tim A(2;—1), ban kinh R=4.

® [z—2+i=\(a=2) +(b+1] >1—(a—2) +(b+1)’ >1 —— tap hop diém M bidu dién s5

phiic z ndm ngoai hoc trén dudng tron tAm 4(2;—1), ban kinh R'=1.
Ya M,

Tmin = 0

Khi d6 T =|z—2+3i|= MC véi C(2;-3) ﬁ{ ;
T =CM; = AC+R=6

. » P,,=BM,=|AB—R|=1
P=|z+2-2i|=MB véi B(-2;2) — .
P,.=BM,=AB+R=9

Vay T,..+P,, =7. Chon D.

|z+2 <245
|z—4i] <242
A. 32 B. 3./5. C. 5+2. D. 6.

Loi giai. Gia stt z=a+bi (a,b €R). Ta co

® |z+2i|=yJa® +(b+2) <25 —a’ +(b+2) <20 —— tap hop diém M biéu dién s6 phic
z nim trong hodc trén dudng tron (C,) ¢6 tam 4(0;—2), ban kinh R=2v5. (1)

® |z—4i|=,/d’ +(b—4)2 <22 > a +(b—4)2 <8 —— tap hop diém M biéu dién s6 phtc z
nam trong hoic trén dudng tron (C,) c6 tim B(0;4), ban kinh R = 22, (2)

Cau 7. Xét cac sO phtic z thdoa mén [ Gié tri 16n nhét cha T =|z +1—4i| béng

Tit (1) va (2) suy ra tap hgp diém M biéu dién s phtic z nim trén phin giao cta hai hinh
tron (C1> va (Cz) (phéan t6 dam trong hinh vé).
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Khi d6 T =z +1—4i|=|z+1+4i|= MC v6i C(~1;—4). Dya vao hinh v& ta thdy T,  khi M
sé rol vao cac vi tri M, hodc M, hoac M,.
CM, =35
2
Ta ¢6 {CM, =1 +(2+245) ——T,,, =CM, =35. Chon B.
CM, < CM,
|z—1—z'| >1

. Goi m, M lan lugt 1a
|z—3—3z’| <5

Cau 8. Xét cac s0 phic z=x+yi (x,y €R) thoa man

. ) s s e 1s a0 2 P o~ M s
gia tri nho nhat va gia tri 16n nhat cua biéu thiic P=x+2y. Ti s6 — bang
m

c. 2. p. 14
4 5

A2 B.
4

L&i giai. Ta c6
o |z—1—z'| >1—— tap hop diém M biéu dién s6 phiic z ndm ngoai hoic trén dudng tron

(CI) c6 tam 1(1;1), ban kinh R=1. (1)

NSNIEN]

® |z-3-3i <5 —— tap hop diém M bibu dibn s6 phlic z ndm trong ho#c trén dudng
tron (C,) c6 tam J(3;3), ban kinh R =+/5. (2)

T (1) va (2) suy ra tap hop diém M biéu dién s6 phiic z 1a phan t6 dam trong hinh vé (c6
tinh bién)

\ly




Goi A 1a duong thing c6 phuong trinh x+2y—P =0. Khi d6 dé bai toan c6 nghiém (tdn tai

6 phtic théa man yéu ciu bai toan) thi dudng thdng A va mién té6 dam phai c6 diém chung

9-p M=14
@d(J,A)Sﬁ@' |§J§ 4<P<14— M _7 ChenB.
J5 m=4 m 2
Dau "=" x4y ra khi
x+2y—14=0 -4
v M =14 dat dugec khi , N
(x=3) +(»y-3)=5 |y=5
x+2y—4=0 -2
v m=4 dat duge khi , , @{x .
(x=3) +(»y-3) =5 [|y=1

|z—1—l'|23

|z—3—4i <10

Cau 9. Xét cac s0 phiic z=x+yi (x;y €R) théa man 1 Gia tri nho nhit cua

biéu thtic P =x+3y bing

A. 5. B. 7. C. 13. D. 4+34/10.
Loi gidi. Ta c6
o |z—1—z’| >3 —— tap hop diém M biéu dién s6 phiic z ndm ngoai hoic trén dudng tron
(C) c6 tam I(1;1), ban kinh R =3. (1)
® |z-3-4i|< J10 —— tap hop diém M biéu dién s6 phiic z ndm trong ho#c trén dudng
tron (C,) c6 tam J(3;4), ban kinh R =4/10. (2)
Tu (1) va (2) suy ra tap hop diém M biéu dién s6 phiic z 1a phéan t6 dam trong hinh vé (c6
tinh bién)

—2
Goi A la dudng théng c6 phuong trinh x+3y—P =0. Khi d6 dé bai toan c6 nghiém (tén tai

6 phiic théa man yéu cau bai toan) thi dudng thdng A va mién t6 dam phai c6 diém chung.
Bing cach tinh tién cac dudng thing song song véi nhau (cing ¢6 VIPT 1a 7= (1,3)) ta thay

P dat gi4 tri nhd nhat bing 7 khi A di qua diém 4(4;1). Chon B.

Van dé 5. Parabol
Cau 1. Xét cac s6 phtic z=a+bi (a,b€R) thoa 4(z—z)—15i= z'(z+2—1)2. Tinh P=—a+4b

khi |z —%—l— 3i| dat gia tri nho nhAat.
A. P=4. B. P=5. C. P=6. D. P=7.

a a

Loi giai. Td 4(z-2)-15i=i(z+2 1) ——4.26i —15i =i(2a—1)’ Gb="s-T 42— tap

2
X X

hop diém M biéu dién s8 phiic z 1a Parabol (P): y = 7—5+2 (nhu hinh vé).



(P) Y
2 :B(%;%)
—1 E 1 T
o o
sliia
. 1 ) " 1
Taco T = z—E+31 = MA véi A[E;—3].
- 39 . 115}, 5 0
Ta thay MAzBA:? v6i B 55 la dinh cua cua (P).
Vay T,,, = MA,, = AB. Ddu "=" xay ra khi MzBﬂa:%,b:%%ﬂz+4b:7. Chon D.
Cach2.Tacé 4(z—2)-15i=i(z+2 1) ——4.26i —15i=i(2a—1) & 2b=a* —a+4. (1)

1Y 15 15
S 2b=la—=| +—= p>2
uy ra [a 2] 4 —b> A

2
Khid6 T = :\/[a—%] +(6+3) :\/az—a+i+bz+6b+9

U, Ju b2+8b+£>£. Dau "=" x4 akh'b:§—> :l.
/ 123 u xay r 1 g a 5

Cau 2. Xét hai s6 phtc z,, z, théa man 2|z, +i|=|z —z —2i| va |z, —i—10|=1. Gia tri nho

1
——+3i
)

nhét ctia biéu thiic |z, —z,| bang

A. V10 +1. B. 3J/5-1. C. V101 -1. D. V101 +1.
Loi giai. Pat z, =a+bi (a,b€R).
2

® 2z +z'|:|21—21—21'|—>2.\/a2+(—b+1)2 :\/(—Zb—Z)z @b:%—> tap hop diém M

2
biéu dién 8 phiic z, 1a mot Parabol (P): y = xz ¢6 dinh 0(0;0).
® |z,—i—10|=1—— tap hop diém N biéu dién s6 phtic z, la dudng tron (C) c6 tAm
1(10;1), ban kinh R=1.

(P) Y
M, N/
/ Y e

Ol 12 10
Khi d6 biéu thtic P=|z —z,|=MN la khodng cach tii mot diém thuoc (P) dén mot diém
thudce (C )
Tacé MN +NI>MI—— MN >MI—NI=MI—-1. Suyra MN_, < IM_, .
X

2 2 2 2
Ta c6 ]Mzz(x—IO)z—f—[z—l] :[%—4] +%(x—4)2+45245—>IM2x/4_:3\/§.

2 2
Do d6 MN_. =3y/5-1. Ddu "=" xay ra khi [%—4] +%(x—4)2 =0——x=4.



Vay |z,—z,|  >3VJ5-1. Chon B.
2 2
Cach 2. Xét diém M[a;az]. Tiép tuyén cua (P) tai M c6 phuong trinh A:y= %(x —a)+az.

P)

2
Gol n= [%;—1] 14 mot VTPT caa duong thing A; IM = [a 10;%1].

Khi d6 IM,, < IM cung phuong véi 7, suy ra a = 4.
Véi @ =4—— IM = (—6;3)—— IM,,, =3/5—— MN,, =3J5—1.

g ~ 2 .
Van dé 6. Doan thang - tia
Cau 1. Xét cac so phtic z théa man |z+2—z’| +|z—4—7i| —=64/2. Goi m, M 1an lugt 1a gia tri
nhé nhat va gia tri 16n nhat caa |z -1 +z’| .Tinh P=m+ M.

A. P=413+73. B.P:M. C. P=5J2+2J73 . D.P:w.

Loi gidi. Goi M(x;y), A(—2;1), B(4;7), C(1;—1) 1an lugt 12 diém biéu dién cic s§ phic z,
—2+i,4+7i,1—i trong mit phing toa do.
Tit |z+2—i|+|z—4~7i|= 62 & MA+ MB =672 = AB—— M thudc doan thing AB.

YA

S B

e

M
AL -N--- 1
: o1 z
—2 ~N ! o
—1}-- C
Ta c6 T =|z—1+i|=CM. Dya vao hinh v&, ta thay
L Tmin A CMmin = d[C’AB]:i
V2

® CB=173; CA=J13——CM_ =CB=1/73.
5 2J73+5V2

Vay P=73+-=="""T"""2 (
V2 2

Cach 2. Phuong trinh dudng thing AB:y=x+3.

Goi M (x;x+3)€ AB véi x €[-2;4] (do M ndm trong doan AB).

) 2y:x+3
Ta c6 T:|z—1+i|:|(x—1)+(y+l)i|=\/(x—l) +(y+1) = V22> +6x+17.

hon B.




Khao sat ham f(x)=2x" +6x+17 trén doan [—2;4].
Cau 2. Xét cac s6 phic z théa man |z —1—1|+|z—8— 3/ =+/53. Gia tri 16n nhat cta biéu thic
P= |z+1+21’| bing

A. /53, B. 53. C. —“125 D. J106.

Loi giai. Goi M(x;y), A(1;1), B(8;3), C(~1;-2) lan lugt la diém biéu dién cac s& phic z,
1+i,8+43i, —1—2i trong mat phing toa do.
Tit |z —1—1|+|z—8~3i|=+/53 < MA+ MB =53 = AB—— M thuoc doan thing AB.

ye

B
8

CA=+/13, CB=+/106

CA<CM <CB
P =+/106. D4u "=" xay ra khi M trung B. Chon D.

max

Ta ¢6 P=|z+142|=MC. Vi [ két hgp véi hinh vé ta suy ra

Cau 3. Xét cac s6 phiic z thda méan |z+2—3z’|+|z—6—z’| =217. Goi M, m 1an lugt 1a gia tri
16n nhat va gia tri nhé nhét cia biéu thic P = ||z +1-2i|—|z -2 +z'|| )

A M=3J2, m=0. B. M =32, m=+2.

C. M =342, m=5J2 - 2.5. D. M =2, m=5J2-25.
Loi giai. Goi C, 4(—2;3), B(6;1) lan lugt 1a diém biéu dién cac s6 phtc z, —2+3i,6+i
trong méit phing toa do.
Tit |z +2—3i|+|z— 61| = 2417 < CA+CB = 2417 = AB——C thudc doan thing AB.

Yy
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Ta c6 P=|z+1-2i|—|z—2+i|=|CD—CE| véi D(-1;2), E(2;-1).

Nhén thdy D,E ndm vé mot phia cia dudng thing AB.

® [CD-CE|< DE =32. Ddu "=" xay ra khi C = DEN4B.

® [CD—CE|>0. Dau "=" xay ra khi C € 4B va C thudc dudng trung tryc ctia doan DE.
Vay M =32, m=0. Chon A.

Cach 2. Phuong trinh dudng thing 4AB:x+4y—10=0.

Goi M (10—4y;y)€ AB v6i y €[1;3] (do M nim trong doan AB).

oo |z+1—2z’|=|x+1+(y—2)z'|:\/(x—i-l)z +(y-2) :\/(11—4)))2 +(y-2)

=2+l =fr =2+ (y+ )i =5 =2 + (1) = (8-4p)" +(y+1)




Khi d6 P =|lz+1-21][z =2+ =175 =92y +125 - 17" — 62y +65].

Khao sat ham f(y)= ‘\/17)/2 —92y+125 —\/17y2 —62y+65‘ trén doan [1;3].
Cau 4. Xét cac s6 phitc z thoa man |z+3—2i|+|z—3+| =35. Goi M, m 1an lugt 1a gia tri

16n nhat va gia tri nhé nhét cia biéu thic P = |z + 2| +|z -1- 3z'| .

A. M =17 ++/5, m=32. B. M =26 +25, m=32.
C. M =26 +25, m=A2. D. M =17 +5, m=+/2.

Loi giai. Goi C, 4(-3;2), B(3;—1) 1an lugt la diém biéu dién cac s6 phtic z, —3+2i, 3—i
trong méit phing toa do.
Tu |z+3—2i|+|z—3+i| =35 C4+CB=3/5=4B——C thudc doan thdng AB.

yh
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Tacb P=|z+2|+|z—1-3i|=CD+CE véi D(-2;0), E(1;3).

Nhén thdy D, E ndm vé hai phia so véi dudng thing AB.

® CD+CE>DE =3y2. Ddu "=" x4y ra khi D, C, E theo tht tu d6 thing hang.

® CD+CE <max{BD+ BE;AD+ AE} = BD + BE =~/26 +2+/5. D&u "=" x4y ra khi C = B.
Vay M =+/26 +2/5, m=3+2. Chon B.

Cach 2. Phuong trinh dudng thing AB:x+2y—1=0.

Goi M (1—2y;y)€ AB v6i y €[—1;2] (do M ndm trong doan AB).

|2 +2) =[x+ 24 yi| = J(x +2) + " ={(3-29) +

|2=1=3i] =[x —1+(y=3)i| = (x 1) +(y—=3) =\4»" +(y—3) '
Khi d6 P =|z+2|+|z—1-3]| = /55> —12y+9 +/55° —6y+9.

Khéo sat ham £ (y)=+/5y° —12y+9 ++/5y* —6y+9 trén doan [~1;2].

Ta co

=+17. Gi4 tri 16n

Cau 5. Xét cac s6 phic z, z, théa |z +1—2i|+|z, —3-3i|=2 zz—l—gi

nhét cta P =|z —z,|+|z, +2—i| béing
A. 2417. B. 3.29. C. V17 ++/29. D. V17 +2429.
Loi giai. Dat z =a+bi,z,=c+di (a,bc,d€R); Goi M(a;b), N(c;d), A(—12), B(3;3) lan
lugt 12 diém bidu dién cac s6 phtic z,, z,, —1+2i, 3+3i trong mit phing toa do.
® |z, +1-2i+|z,—3-3]=+17 & MA+ MB=1\17 = AB—— M thudc doan thing AB.

o2 =17 < NI = g = % véi I[l;g]. Ta thay I la trung diém cia AB. Suy ra

z, —l—gi

N thudc dudng tron (C) c6 tdm I, duong kinh 4B (nhu hinh bén duéi).



Tacé P=|z,—z,|+|z +2—i|= MN + MD véi D(-2;1).
Nhan thdy M nim trén doan thing 4B va N €(C)
——MN < AB=+17 va MD <max{AD,BD}= BD =+/29.
. , . |M=B
Suy ra P=|z, —z,|+|z, +2—i] = MN + MD <~/17 +~/29. D&u "=" x4y ra khi {N "
Vay P, =~/17++29. Chon C.
Cau 6. Xét cac s0 phiic z théa man |iz—2i—2|—|z+1-3i|= J34. Gi4 tri nhdé nh4t ctia biéu
thiic P =|(1+7)z+2i| biing

AL B. 3J2. C. 442. D. /26.
J17
Loi giai. Goi M(x;y), 4(2;—2), B(—1;3) ldn lugt 1a diém biéu dién cac sd phic z, 2-2i,
—1+ 3/ trong mit phing toa do
Tit |iz—2i —2|—|z+1-3]| =34 < |z =2+ 21|~ |z +1-3i| = /34 & MA— MB =34 = 4B

— M nim trén tia d6i cta tia BA.

gY

o et L]

—2k----S A
Tacé P=|1+i)z+2i|=~2|z+1+i=2MC véi C(-1;-1).
Ta thdy MC,, < M =B——MC, =CB=4——P, =42. Chon C.

Cach 2. Phuong trinh dudng thing AB:5x+3y—4=0. Suyra M[x; x] vol x <—1.

Khi d6 P =|(1+7)z+2i| = v2|z +1+1] = V2\(x +1) +(y+1) :ﬁ\/(x+1)2+[4_35x+1]2.

4—5x

2
Khao sat ham f(x)= \/(x + 1)2 +[ + 1] trén (—oo;—1].

Cau 7. Xét cac sd phiic z déng thoi théa man |z—4+3i|—|2+4+3i|:10 va |z—3—41’| nho

nhat. Modun cua sb phtic z bang
A. 5. B. 5v2. C. 6v2. D. 10.



Loi giai. Goi M(x;y), 4(4;-3), B(—4;3) lan lugt 1a diém biéu dién cac s6 phic z, 4-3i,
—4+3i trong mat phing toa do.

Tit |z—443i|—|Z+4+3i|=10 4 |z—443i|—-|z+4-3i|=10 & MA— MB=10= 4B
—— M niam trén tia d6i caa tia BA.
y
M
B
: 4
—4 H @x
—3r-------- A
Ta ¢6 |z—3—4i|=MC véi C(3;4).
Ta thady MC,, =CB=>52. D&u "=" xay ra & M =B——|z|=5. Chon A.
3 . . 2 x=—444¢ .
Cach 2. Phuong trinh dudng thang 4B: 3_3s —>M(—4+4m;3—3m) v6l m <0.
y=3-

Goi C(3;4), ta co |z—3—4i| = MC = 25m® —50m + 50 > /50 = 5V2.
D&u "=" xay ra khi va chi khi m=0—— M (—4;3).

Cau 8. Xét cac s0 phtic z=a+bi (a,b €R) thoéa mén |z—1-2i|=[z +3i|. Tinh P=a+b khi
T =||z—3—4i|]—|z—1+1| dat gia tri 16n nhat.

A. P=2. B. P=6. C.P:?. D.P:?.

Loi giai. Ta ¢6 |z—1-2i|=|7+3]——(a—1) +(b-2) =a* +(-b+3) ©a—b+2=0—
tap hop diém M biéu dién s6 phtic z thudc dudng thdng d:x—y+2=0.
Goi A(3;4),B(1;—1). Ta thdy 4, B ndm vé cung phia so véi d.

U
|
[Ry
\m\
8y

—>P:a+b:?. Chon D.

Cau 9. Xét cac s6 phiic z théa man |z+2|=|z+2i|]. Gia tri nho nhét caa biéu thtc

a+b\/ﬁ
2

P:|z—1—2i|+|z—3—4z'|+|z—5—6z'| dugc viét duéi dang ———=—— véi a, b€ Q. Tinh a+b.

NA
A a+b=2. B. a+b=3. C.a+b=4. D.a+b=17.
Loi giai. Dat z=x+yi (x,y €R).
Khi d6 |z+2|:|z+2i|——>(x+2)z+y2:x2+(y+2)2<:>y:x——> tap hop diém M biéu
dién s phtic z thudc duong thing d:y=x.
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Tacé P=|z—1-2i|+|z—3—4i|+|z—5—6i] = MA+ MB+ MC véi A(1;2), B(3;4), C(5;6).

Nhan thdy B 1a trung diém ctia AC nén suy ra MB

B \/MAZ +MC* AC
; :

4
Do d6
2 2 2 MA+ MC)' 2
P(MA+MC)+\/MA JZFMC _AC Z(MAJrMC)Jr\/( 1 ) —Af .
L&y diém A'(2;1) @61 xting v6i 4 qua d, ta co
MA MC2 2 ) 2
(MA+MC)+\/( +MC) _4C >dlcy |2 AC
4 4 4 4
12 2 -1
Suyra P>A'C+ A _AcC =1+2\/ﬁ T L atb=3. Chon B.
4 4 V2 b=2

Cach 2.Ta c6 P=|z—1—2i|+|z—3—4i|+|z—5—6]

— 2% —6x+54++/2x% —14x+25 ++/2x> —22x +61.

r 3V 1 1y 1 AN 3 1y 1 1
Suyra —==,||x—=| +—+ f—] +=+ [ 77] +—> [ —=- +—] +14+—==—+17.

2 4 2 4 2 2
Dau "="xayra < 2 Z@x:l
7 2
x=—
2

Cau 10. Xét cac s8 phic z,, z, dong thdi théa man |z —1-2i|=|z—3+2i| va |z, —z,|=+/5. Gia
tri nhé nhét cta biéu thic |z, —1-3i|+|z, —1— 34| béing

A. —1456. B. —ng. C. “1;05 . D. —“1;65 .

Léi giai. V6i z = x + yi, theo gia thiét 6 (x—1) +(y—2) =(x -3 +(y +2) & x—2y-2=0.
Xét M(z,), N(z,), P(1+3i) theo gia thist c6 M,N € A:x—2y—-2=0 va MN =+/5.

Ta can tim gia tri nhé nhat cia PM + PN.
7
\/g.

Ta ¢6 PM + PN =PH” + HM” +~[PH’ + HN” > \|(PH + PHY’ +(HM + HNY’

>\J4PH? + MN* = \/4.[%]% = V1105 )

Goi H 1a hinh chiéu vudng goc ctia P 1én A—— PH =d[P,A|

5



Yk

(0]

1 2
M
>
PH_HM
Dau "="xayra <{PH HN & H 1a trung diém doan thdng MN. Chon C.

HM + HN = MN

Van dé 7. Phuong phap lay doéi xiing

Cau 1. Xét cac s6 phlic z=a+bi (;6€R) théa man |z—5-3i|=|z—1+5i|. Tinh a+b khi
biéu thtic P=|z—2—2i|+|z+3~7i| dat gi4 tri nho nhat.
A a+b=-1. B. a+56=0. C.a+b=1. D.a+b=2.
Loi giai. Patz =x+yi (x,y €R).
Tt |z—5-3i|=|z—1+5]——(x—5) +(y -3 =(x—1) +(y+5] ©x+2y=1 —— tap hop

diém M (x;y) biéu dién s6 phitc z 1a dudng thing A:x+2y=1.
]

B

-3 —1 O,I
/! A
—2¥C

Khi d6 P =|z—2—2i|+|z+3—7i|= MA+ MB véi A(2;2), B(-3;7).
Goi C la diém d6i xiing cia 4 qua dudng thdng A, khi d6 ta tim duge C(0;—2)—— phuong

trinh duong théng BC:3x+y+2=0.
Tacé P= MA+ MB= MC+ MB> BC. Ddu "=" x4y ra khi khi M:BCQA—>M(—1;1)

=1
—>{Zl =a+b=0.Chon B.

Cau 2. Xét cac s6 phiic z, z,, z, théa mén |z, —4—5i|=|z, —1|=1 va |z +4i|=|z—8+4i|. Tinh
M:|zl—zz| khi P:|z—zl|—|—|z—22| dat gia tri nhé nhAit.
A. M =25 B. M =6. C. M =+/41. D. M=8.



Loi gidi. ® |z, —4-5/=1—— tap hop diém A biéu dién s& phtic z la dudng tron (C,) c6
tam I(4;5), ban kinh R, =1.

® |z,—1|=1—— tap hop diém B biéu dién s8 phtic z, 1a dudng tron (C,) c6 tam J(1;0),
ban kinh R, =1.

® Dit z=a+bi (a,b€R). Ta 6 |[F+4i|=|z—8+4i]——a’+(-b+4) =(a—8) +(b+4)

& a—b=4—— tap hop diém C biéu dién s6 phiic z ndm trén dudng thing A:x—y=4.
Yy

D
5y
Q
K]

_3 ---------
A

/

Khi d6 P=|z—z|+|z—z,|=CA+CB.

Goi K la diém d6i xting clia J qua dudng thang A, khi d6 ta tim duge K (4;—3)—— phuong
trinh dudng théng IK : x = 4.

A=CIN(C,) (4 ogiuaCI)

B=CIN(C,) (BogiuaCJ)

—— A(4;4),B(2;0)—— M =|z, — z,| = AB=245. Chon A.

Do @6 B, khivachikhi C=IKNA va {

Cau 3. Xét cac s6 phtic z,, z, théa mén |z +3+2i|=1 va |z,+2—i=1. S8 phtic z ¢6 phan
thuc bang «, phan 4o bang » théa man 2a—b=0. Tinh P = |a|+|b| khi |z—zl|+|z—222| dat
gia tri nhoé nhAat.

A. P=1. B. P=3. C. P=4. D. P=7.
Loi giai. Ta c6
® S6 phiic z c6 phan thuc bang a, phin 4o bing b théa man 2a—b=0 nén tap hop diém
A biéu dibn s6 phtic z 1a duong thing d: y=2x.
® |z, +3+42i|=1— tap hop diém B biéu dién s§ phic 2z la dudng tron c6 tAm D(—3;-2),
ban kinh béng 1.
® |z, +2—i|=1<22z,+4-2i|=2. Dat z, =2z, khi d6 |z, +4—2i|=2
— tap hgp diém C biéu dién s8 phic z, la dudng tron ¢ tam E(—4;2), ban kinh bang 2.
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Khidé T = |z—zl|—|—|z—222| = |z—zl|+|z—zs| =AB+ AC.
Goi H la diém d6i xting cia E qua duong thing 4, khi d6 ta tim duge H (4;,—2)—— phuong
trinh duong thing DH : y = —2.
2 . B = 2
Do d6 7. khivachikhi 4=DHNd— toa do diém A la nghiém ctia hé {y ’;
y=—

—>A(—1;—2):><[Zf_;—>P:|a|+|b| =3. Chon B.

Cach 2.Ta ¢6 |z —z,|+|z—2z,| = |(z+3+2)— (2, + 3+ 2i)| +|(z+4—2i) - 2(z, + 2 i)
>|z43+2i|—|z, +3+ 21| +|z+4— 21| - 2|z, + 2|
=|z4+3+2i[+|z+4-2i|-3

= J(@a+37 +(6+2) +(a+4) +(6—2) -3
= J(a+37 +(2a+2) +J(a+4) +(2a—2) —3.

4 < o 2 2 2 o 2_ ~ . o
Xét ham y—\/(a+3) +(2a+2) +\/(a+4) +(2a—2)" -3 trén R, ta dugc mlénf(a)_4.

Dau "="xayrakhi g=—1——b=-2. Suyra P=3.
Cau 4. Xét cac s6 phic z, z, théa man |z, —5+3i|=|z,—1-3i| va |z, —4—3i|=|z, —2+3il.
Gia tri nhé nhét ctia biéu thic P =|z, —z,|+|z — 6 +i|+|z, —6—i| bing

7 44130 18
A. 2410. B. —. C. . D. —.
2 13 V13

Loi giai. Goi z, =a+bi, z, =c+di (a, b, ¢, d € R). Khi do6 ta c6

|z, =543 =]z, -1-3]  |(a=5) +(6+3) =(a—1 +(6-3) [2a—36=6

|z, —4-3i|=|z, —2+3i|® (c—4) +(d—3Y =(c—2) +(d+3) (:){C—I—Sd:S

— - tap hop M Dbiéu dién s phic z, nam trén duéng thing d :2x—3y=6, tap hgp N
biéu dién s6 phitc z, ndm trén duéng thing A:x+3y=3.
Goi A(6;1), B(6;—1). Khi d6 P =|z —z,|+|z, —6+i|+|z, —6 —i| =|z, — 2,| + |z, =6 — 1] +|z, =6 +1]
= MN + MA+ NB=(MN + NB)+ MA > MB+ MA> BC v6i C la diém d6i xting cia 4 qua d.



8

Ta tim dugc C[@,ﬂ] ——BC= 4v130 . Chon C.
1313 13

Dau "="xayrakhi M =BCNd va N=B.

Van dé 8. Tam ti cu

Cau 1. Xét cac s0 phtic z théa man |z+5—il=2+3i|. Dat P=|z+3-9i +|z—1-5". Biét

P dat gi4 tri nhé nhat tai z; va P dat gi4 tri 16n nhat tai z,. Gié tri clia biéu thiic |z, —z,|

bing

A. 2413. B. 24/15. C. 443. D. 52.
Léi gidi. T |z+5-1|=|2+3i] ©|z+5-1=+13—— tap hop diém M biéu dién s¢ phic 2
thugc trén dudng tron (C) ¢ tam C(—5;1), ban kinh R =+/13.

4
&

N

\ B

T -

Taco P=|z+3-9i +|z—1-5i" = MA* + MB* v6i A(-3;9), B(L;5).
=242

Trong mit phng Oxy chon diém I théa I4+ 1B = 6—>I(— L,7)= .
IB=22

C6 MA* + MB> :(JTﬁﬁZ)Z +(M7+TJ§)2 — 2 M1 +2M(72+E§)+1A2 £ IB =16+ 2MI>.
‘Pmin

PooM = M=M,(-7-2)

max

——|2,—2,|=2+13. Chon A.

& M, < M=M(-3;4) z, =—3+4i
Do d6 —_—

z,=—T7-2i
Cau 2. Xét cac so phtic z théa man |z +1—21’| =3+/2. Goi m, M 1an lugt 1a gia tri nhé nh&t va
16n nhat cta biéu thic P = |z -3 +2i|2 —2|z -2 —i|2 . Téng m+ M bing

A. —30. B. —12. C. 14. D. 68.
Loi giai. Tu z+1—2i|: 32— tap hop diém M biéu dién s§ phiic z nim trén dudng
tron (C) c¢6 thm C(—1;2), ban kinh R = 32,




Tacé P=|z—3+2i] —2|z—2—i] = MA* ~2MB® véi A(3;-2), B(2;1).
14=2410
B=+10

C6 MA® —2MB* — (1\717+Z?1)2 —2(1\77+E)2 — M +2A717(f2—2f§)+1,42 —2IB* = 20— MI>.

Trong mit phdng Oxy chon diém I théa I4—21B = 6—>I(1;4) :>1

P, &M, P =20—1IM,* =20—|CI + R =30 m=—30

Do d6 — s — — S5 =-12.
B & ML, P =20—IM =20-|CI—R[ =18 M =18

Chon B.

Cau 3. Xét cac s6 phiic z=a+i (¢,6€R) théa méan |z—4—3i|=5. Tinh a+5 khi biéu thic
Q=|z+2-2i] +2|z—4+i]" +3]z+24 dat gia tri 16n nhat.

A.a+b=11 B.a+b=12. C.a+b=13. D. a+b=14.
Loi gidi. Ta ¢ |z—4—3i| —=5— tap hop diém M biéu dién s§ phiic z ndm trén dudng
tron I(4;3), ban kinh r=5.

Tacé Q=|z+2-2i +2|z—4+i +3|z+2i = MA* +2MB* +3MC* v6i A(-2;2), B(4;~1), C(0;-2).
Trong méat phdng Oxy chon diém N théa méan NA+2NB+3NC = 6——>N(1;71).
Cé Q= MA> +2MB* +3MC* = (WJFM)Z +2(W+W3)2 +3(W+ﬁ)2

= 6MN’ + (N4’ +2NB’ +3NC” )+ 2MN NA +2.NB+3.NC|

=6MN’ +(NA® +2NB® +3NC?).
o Khi MN_ —— M d6i xting v6i N qua I (vi N thufc dudng tron tdm I béan
kinh »=5)—— M(7,7). Vay a+b=7+7=14. Chon D.

Suy ra Q

Cau 4. Xét cac so phiic z, z, théa man |z—3—-4i|=2 va |z, —z,[=1. Gi4 tri nho nh4t caa
biéu thic P = |zl|2 —|zz|'2 bing

A. —4-35. B. —6-25. C. -5. D. —10.
Loi gidi. Ta co |z—3—4i —=2— tap hop diém M biéu dién s§ phiic z ndm trén dudng
tron (C) c6 tam I(3;4), ban kinh R =2.
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Goi 4, Be(C) 1an lugt la diém biéu dién cta z,, z,. Suy ra |z, —z,|= 4B.
Khi d6 P=|z,[ ~|o,|' =04’ ~0B* = (0I + IA) —(0I +IB)
= 2&.(34’ —1B) = 201 B4 = 201.4B.cos (E,E{) >-20I = —10.

D&u "=" x4y ra khi OI = kB4 (k <0). Chon D.

Van dé 9. Phuong phap cin bang hé s6

Cau 1. Xét cac s6 phiic z thoa man |z|=1. Gia tri 16n nhét cia T =|z+1/+2|z—1| béng
A. 24/5. B. 24/10. C. 32. D. 3./5.
Loi gidi. T |z|=1—— tap hop diém M biéu dién s6 phitc z thudc duong tron (C) c6 tdm
0(0;0), ban kinh R=1.
Goi A(—1;0), B(1,0). Nhan thay 4B la duong kinh cta (C) nén MA®> + MB® = AB* = 4.
Yy

Khi d6 T = MA+2MB < [(1* +2°)( M4 + MB*) = 5.4 =25. Chon A.
Nhan xét. Bai nay roi vao truong hdp dic biét 1a 4B 1a dudng kinh ctia dudng tron.
Né&u bai toan hoéi gia tri nhé nhat thi ta c6 danh gia MA+2MB > MA. Dau "=" xay ra khi va
chikhi M = B. Khi d6 min(MA+2MB)= AB.
Cau 2. Xét cac s6 phtic z théa |z - 1| =+/2. Gi4 tri16n nhat cha T = |z +i|]+|z—2—1| bang
A 4 B. 442. C. 8. D. 82.
Loi giai. T |z—1|= J2—— tap hop diém M biéu dién s8 phtic z thudc dudng tron (C) co
tam 7(1,0), ban kinh R= V2.
Goi A(0;—1), B(2;1). Nhan thay 4B la duong kinh caa (C) nén MA®> + MB* = AB®> =8.




Khi d6 T = MA+MB < [[I* +1)(MA* + MB*) =28 =4. Chon A.

Cau 3. Xét cac so phiic z=a+bi (a;6€R) c6 mddun bang 2 va phén ao duong. Tinh gia tri
2018

biéu thitc S =[5(a+5)+2|  khibiéu thic P=|2+z|+3[2—2| dat gi4 tri 16n nhat.
A. $=0. B.S=1. C. §=2"" D. §=2"7.
Loi giai. Goi M (a;b) v6i b>0 la diém biéu dién sd phic z.
Goi A(—2;0), B(2;0). Ta c6 |z|=2——|a+bi|=2<a’+b’ =4. Suy ra M thudc dudng tron

(C) duong kinh AB nén MA’ + MB* = AB* =16.
Yy

Khi d6 P=[2+2|+3[2 2| = MA+3MB < [(1* +3°)(MA® + MB*) = 4410,

ME(C> 8 6 8 6 2018
D4u "=" xay ra khi MB—Z’LM[— —]4—> = [—+ J+2 =0. Chon A.
MA=—"7" 55 5
CAu 4. Xét cac s6 phiic z théoa méan _1_ =—. Goi M, m lan lugt 1a gia tri 16n nhat va
z+3i \/5
nhd nhit caa P=|z+z‘|+2|2—4+7z‘|. Gia tri M +m bang
A. 10+245. B. 10+44/5. C. 20+245. D. 20+44/5.
Loi gidi. Goi z=a+bi (x;y € R)——Zz=a—bi va M (a;) 1a diém biéu dién & phic z.
,lz—1 2| _
Ta c6 Y \/5(:)\/_|Z 1|—|z+31|—>2[(a 1) +0b ] a +(b+3)

& (a—2)2 +(b—3)2 =20. Suy ra M thudc dudng tron (C) c6 tdm I(2;3), ban kinh R= 245.

Vi [z -4+47i|=|z—4-Ti|——P=|z+i|+2|z—4—T7i| = MA+2MB v6i A(0;—1), B(4;7).
Y

7




Nhan thdy 4B 1a duong kinh cta duong tron (C) nén MA®> + MB* = AB* = 80.
® MA+2MB>MA. Ddu "=" xay ra khi M = B. Khi d6 m = min(MA4+2MB)= AB= 445,

® MA+2MB< \/(12 +22)(MA? + MB*) =/5.80 = 20.
Vay M +m=20+4+/5. Chon D.
Cau 5. Xét s6 phitc z théa man |z+1-2i|= 24/2. V6i a, b 1a s6 thuc duong cho truée, gia tri
16n nht cta biéu thiic P =a|z—1|+b[z +3+ 41| bing
A. \ad* +b*. B. /24* + 2%, C. 424> +2b%. D. a* +5°.
Loi giai. Tu z+1—2i| =22—— tap hop diém M biéu dién s6 phiic z thudc dudng tron
(C) ¢6 tam I(~1;2), ban kinh R =2+72.
Vi |z +3+4i|=|z+3—4i|—— P=alz—1|+b|z +3—4i|= a.MA+b.MB véi A(1;0), B(—3;4).
7

I

xr

A

Nhan thdy AB 1a dudng kinh cta duéng tron (C) nén MA®> + MB* = AB? = 32.

I
%Y
(
-
Q

Tacé P—aMA+b.MB< \/(az +0°)(MA? + MB?) = \/(az 1+0°)32 = 424" + 20,

Dau "=" x4y ra @M—A:@ @M_Azg stanMBA=2. Vi a, b>0 nén phuong trinh
a b MB b b

a ~ ’ N PIERTN A ;3R A N N 2 32 . 5
tanx = 3 ludn ¢6 nghiém. Tic 14, ludn c6 diém M thudc dudng tron dé dang thiic xay ra.

Vay gi4 tri 16n nhit cia P 1a 4424 +26°. Chon C.
Cau 6. Xét cac so phtic z=a+bi (a,b€R) thoa man |z—4—3i|:\/§. Tinh a+5 khi biéu
thiic P =|z+1-3i|+|z—1+1 dat gia tri 16n nhat.

A a+b=4. B. a+b=6. C.a+b=38. D. a+b=10.
Loi giai. Tt |z—4-3i=+5—— tap hop diém M biéu dién s6 phic z thude dudng tron
tam 7(4;3), ban kinh R =+/5.
Goi A(-1;3), B(1,—1) va N(0;1) la trung diém ctia AB.

Khi d6 P =|z+1-3i|+|z —1+i|= MA+ MB < [2(MA* + MB?).

Yy
M
A
) T
1
I
1
1 N
. 1
10 \i/ x
—qb -
B




2
A’ZB . Do d6 dé P, < MN. —— M, I, N theo th tu d6 thing

max

Ma MA* + MB* =2MN* +

hang, suy ra M (6;4)——a+b=10. Chon D.
Nhan xét.
® P ——N, M, I theo thi tu d6 thédng hang, suy ra M(2;2).
® Bai toan roi vao trudng hgp dic biét 1a dudng trung truc ctia doan 4B di qua tAm cua
dudng tron, néu khong roi vao truong hop dic biét thi tré thanh bai toan vo ciing khé.
Cau 7. Xét cac s6 phic z=a+bi (a,b €R) thoa min |z—4—3i|= 242. Tinh 2a+5 khi bidu
thiic P= |z 14 21’| + |z -9-— 6i| dat gia tri 16n nhat.
A 2a+b=17. B. 2a+56=09. C. 2a+b=12. D. 2a+b=13.
Loi giai. Tt |z—4-3i|=2v2—— tap hop diém M biéu dién s& phtic z thudc dudng tron
(C) c6 tam I(4;3), ban kinh R =22.
Goi A4(1;—2), B(9;6) va N(5;2) la trung diém cta AB.

Khi d6 P = |z —1+2i|+|z—9—6i| = MA+ MB < [2(MA* + MB?).

2
Ma MA® + MB* — 2MN® +%. Do d6 dé P, ¢ MN, —— M, I, N theo thi tu d6 thing

hang, suy ra M (2;5)——2a+b6=9. Chon B.
Cau 8. Xét cac s§ phtic z thdéa man |z—2-2i|=1. Gia tri 16n nhat cta biéu thic
P:|z—3—2i|+|22—2+4i| bang
A. 5. B. 24/5. C. 3/15. D. J10.
Loi giai. T |z—2-2i|=1—— tap hop diém M biéu dién s& phiic z thudc dudng tron (C)
c6 tdm I(2;2), ban kinh R=1.
Tacé P=|z—3-2i|+2[z—1+2] =]z~ 324+ 2]z~ 1-2i]
Goi A(3;2), B(1;2). Nhan thdy I 1a trung diém ctia AB.

Yy

o 1 2 3 T

Khi d6 P=|z—3-2i|+2|z—1-2i| = MA+2MB < [(1® +2*)( M4 + MB*)

2
:4/5(MA2 +MB) = 5[2M12 +ATB] =./5.4 =2.5.

Dau "=" x4y ra # = % & MB=2MA. Chon B.



Cau 9. Xét cac so phtic z thod man |z -2 —z’| =242. Goi M, m 14n lugt 1a gia tri 16n nhat, gia
tri nhé nhat ctia biéu thic P =|z+3—2i|+|z—3+4i|. Tinh M +m.

A. M +m =226 +642. B. M +m=226+82.
C. M+m=112. D. M +m=16+2.

L&i giai. T [z—2—i| = 2v2—— tap hop cac diém K biéu didn s6 phic z thude dudng tron
(C) 6 tam I(2;1), ban kinh R =22.
Goi A(-3;2), B(3;—4) va N(0;—1) la trung diém ctia AB. Nhan thdy N €(C).

Khi d6 P =|z+3—2i|+|z—3+4i| = KA+ KB < [2(K4’ + KB").

Yi

Apemccoef--
1
xr
-3
B
—4
N 2 2 2 ABZ , 3R
Ma KA®+KB* =2KN* + . Do d6 dé
® P < KN, .Diu"="xayrakhi K d6ixing N qua I nén K (4;3)

— M =KA+KB=10y2.
® P <KN, < K=N——sm=KA+KB= AN+ NB= AB=62.
Vay M +m=16+2. Chon D.
Cau 10. Xét cac s6 phiic z=a+bi (a,b € R) théa mén |z—3—-2i|=2. Tinh a+b khi biéu thic
T:|z+1—2i|—|—2|z—2—5i| dat gia tri nho nhat.

A at+b=3. B. a+b=2+3. C.a+b=4—13. D. a+b=4+3.
Loi giai. Tw |z—3—2i| =2—— tap hop diém M biéu dién s6 phtic z thude dudng tron tam

1(3;2), ban kinh R=2.
Yl
5

\

|
[ B i

(0]

Khi d6 T =|z+1-2i|+2|z—2—5i|= MA+2MB véi A(-1;2), B(2;5).

IC M
Goi diém C(2;2)e 4. Taco IM  IA |} = AMIC - AAIM —— MA = 2CM.

MIC = AIM
Suy ra T =2(MB+MC)>2BC. D&u "=" x4y ra khi M, B, C theo tht tu thing hang. Khi

a=2
d6 ta tim duge M (2;2++3)=

— a+b=4++/3. ChonD.
b=2++3



Nhan xét.
® Ky thuat chon diém C: Chon diém C thdéa méan hé thtc MA=—2MC véi vi tri cha M
nhu hinh vé bén duéi.

ye

-1 O 1 2 3
® Muc dich chon diém C nhu thé @8 tao ra T =2MC +2MB goi la phuong phap can bing hé
0. Di nhién khong phai bai nao cling can bing dude, hé s dudc cho trong dit kién dé bai phai

dudc tac gia xt 1y ngon lanh truéc roi.
Cau 11. Xét céc s6 phic z=a+bi (a,b€R) théa mén |z[=2. Tinh a+& khi biéu thic
P =|z—4|+2|z+1+4i| dat gia tri nho nhét.

A atb=-2. B.a+b=2. C. a+b=25. D. a+b=445.
Loi gidi. T |z|=2—— tap hop diém M biéu dién s8 phiic z thudc dudng tron tam O(0;0),
ban kinh R =2.

Khi d6 P =|z—4|+2|z+1+4i| = MA+2MB v6i A(4;0), B(—1;,—4).
Goi diém H (1;0) € OA. Chiing minh duge MA =2MH.
Suy ra P=2(MH +MB)>2BH. Diu "=" xay rakhi H, M, B theo tht tu thing hang. Khi

=0
d6 ta tim duge M(O;—Z):>{a 2—>a+b:—2. Chon A.

Cau 12. Xét cac s0 phtic z thoa mén diéu kién |z+7=1. Gia tri nho nhat cua biéu thiic

P:‘Ef\/ifi‘+\/§‘zf\/§+3i‘ bang
A. ?. B. V2. C. 3. D. 3.

Loi giai. Tu |z+i|:1—> tap hop diém M bibu dién s§ phtc z thudc dudng tron tAm
I(O;—l), ban kinh R=1.



v
vz

(0] 2 V2 =z
M

I :

_ A

K¢

—3

Y B

Khi d6 P:‘Efﬁfz"+x/§‘zfx/§+3i‘:‘zfx/i+z"+«/§‘zf\/§+3i‘:MA+«/5MB
véi A(Ji;—l), B(ﬁ;—3).

Goi diém C[%;l € I4. Chting minh duge MA =~2MC.

Suyra P= \/E(MC + MB)> J2BC. Dau "=" xay ra khi B, M, C theo tht tu d6 th&ng hang.
Vay P, =+2BC =3. Chon D.

Cau 13. Xét cac s6 phiic z théa mén diéu kién |z—1—i|=5. Gié tri 16n nhét cta biéu thic
P:2|z—8i|—|z—7—9i| bing
A2 B. 23 c. 55, D. 5.5.
2 2 2
Loi gidi. T |z—1—i|=5—— tap hop diém M biéu dién s6 phtic z thufc dudng tron tdm
I(1;1), ban kinh R=5.

P g

Khi d6 P =2|z—8i|—|z—7—9i|=2MA— MB véi A(0;8), B(7;9).
Goi diém C[%;3] € IB. Chting minh duge MB=2MC.
Suyra P=2(MA—MC)<2AC. Ddu "=" x4y rakhi 4, C, M theo thi tu d6 thing hang.

Vay P, =2AC =55. Chon D.
Cau 14. Xét cac s6 phtic z thda |z| —1. Gia tri 16n nh&t caa biéu thic T :|z+2|+2|z—2|
bing

A 2. B. 2./5. C. 5. D. 5V2.

Loi giai. Tt |z]=1—— tap hop diém M biéu dién s8 phiic z thude duong tron tam 0(0;0),
ban kinh R=1.



A C XB
—2 1 2 x
2

Goi A(—2;0), B(2;0). Khi d6 ta c6 T =|z+2|+2|z—2|= MA+2MB

AB?
< J2 122\ (Mma> + MB?) = [s|2m0° + 22~ | = 542,
< (I +2°) (b4’ + MB) { +-| =52
\ M
— T —5y2. Du bing xdy ra khi{ €€ ChonD.
MB =2MA

Cach 2.Diat z=a+b: (a,beR). Tu |z|:1:>c12—i-b2 =1.

Tacs T =|z+2|+2z—2|=(a+2) +b” +2\(a—2) +5

é\/(lz +22)([<a+2)2 +6* +(a—2) +b2D = J10(a” +5° +4) =5V2.

3
Dau " =" xy ra khi i |l T
= .
2@ r2) +8° = a2 +&*  |2Vaat+5=+5-2a |,_ T
1

Cau 15. Xét cac s6 phiic z thdéa man |22—|—1—3z’|:x/§. Gia tri 16n nhAt cta biéu thic
P:|z—1|+3|z+1—2i| bing

A. 2\2. B. 4. C. 442. D. 443
e , 1 3] 2 . < e e
Loi giai. Tu |22+1731|:«/§<$> z+5—51 :7——> tap hgp diém M biéu dién s6 phtic z
thudc duong tron (C) c6 tm I[—%;% , ban kinh R:g.
Goi A(1;0), B(~1;2). Nhan thdy Be(C) va IA+ 318 =0.

Khi d6 P =|z—1/+ 3|z +1-2i| = MA+3MB = 1.MA+~33MB < [(1+3)(M4® + 3MB*)

-1 (0] 1

1
2

RN —n\2 RN —\2
Ta c6 MA® +3MB :(M1+1A) +3(M1+IB)

— AMI? + I4® + 3IB® + 2M(E4' n 3F5’) — AMI? + 14* +3IB* = 8.

Vay P<.(1+3).8 =4y2. Ddu "=" x4y ra @MTA: ﬁ\/]\ng & MA=MB—— M = N(0;1).

Chon C.



Cau 16. Cho s phtic z=a+bi (a,b€R) thoa man |z—3-3/=6. Tinh a+b khi biéu thtc
P =2|z+6—3i|+3|z 4145/ dat gia tri nho nhat.

A a+b=2-25. B.a+b=25-2.  C.a+b=25-4.  D.a+b=4-25
Loi giai. T |z—3—3z’| =6—— tap hop diém M biéu dién s6 phtic z thudc dudng tron tdm
1(3;3), ban kinh R =6.

N
- 1—5
B
Khi d6 P =2|z+6—3i|+3|z+1+5i|=2MA+3MB véi A(—6;3), B(—1,-5).
Xét diém C(~1;3), ta thily Cezd va 20 =M 2 Apgee Aram—— ma=3 mc.
M I4 3 2

Suy ra P=3(MC+ MB)>3BC—— P, =3BC khi B, M, C theo thii tu d6 thing hang

min

——>M(71;3—\/§). Vay a+b=2-245. Chon A.

V&n dé 10. Elip

Cau 1. Xét cac s6 phtic z théa man |z+4|+|z—4|=10. Gia tri 16n nhét va nhé nh4t cua |2

Jan Tuot 1a

A. 10 va 4. B. 5 va 4. C. 4 va 3. D. 5 va 3.
Loi giai. Dat z=x+yi (x;y €R). Goi M(x;y) la diém biéu dién cta s phic 2.
Trong mit phéng véi hé toa do Oxy, goi F,(—4;0) va F,(4;0) thi gia thiét bai todn da cho c¢6
dang MF, + MF, =10.
Ma FF, =8 <10—— quy tich diém M 1a dudng Elip c6 hai tiéu diém 1a F, F,; d6 dai truc
16n 2a =10, tiéu cy 2c =8, d6 dai truc nhd 26 = 23/a> —¢? =6 (tham khao hinh vé).

]
By
Al —4 4 A2 xr
Fy (0] Fy
Bs
. |l2]. =04 =04, =5
Dua vao hinh vé, ta thay { ™ . Chon D.
||, = OB, =0B, =3

Cach 2. Ta c6 10 =|z—4|+|z+4|>|z—4+z+4]| =22 — |7 < 5.

Ap dung bat ddng thic Bunhiacopxki, ta ¢6 100 = <|z —4|.1+|z —4|.1)Z <

(2= 4))" +(z+4) | 2

(=4 +(z+4) |2 50




= (a+4) +0* +(a—4) +6* >50 & a® +b* >9——|z| > 3.

Cau 2. Xét cac s6 phtic z théa man iz—}—% + z’z—k‘i1 =4. Goi M va n lan lugt 1a gia tri
_ i
16n nhat va gia tri nhé nhat caa |z| Tinh M .n.
A. Mn=1. B. M.n=2. C. M.n=22. D. M.n=23.

Loi giai. Dat z=x+yi (x;y €R). Goi M (x;y) 1a diém biéu dién ctia 6 phic z.

Ta c6 z’z+%

—1

+z'z+,i1=4<:>|z+1—z'|+|z—1+z'|:4. (1)
i

Goi F, (—1;1) la diém biéu dién s6 phtic —1+4; F,(1;—1) la diém biéu dién s& phtic 1—1.
Phuong trinh (1) dugc viét lai: MF, + MF, = 4.
Ma FF, =22 <4—— quy tich diém M la dudng Elip c6 hai tiéu diém la F, F,; d6 dai

truc 16n 2a =4, tiéu cu 2c =22, d6 dai truc nhd 26 = 2+/a®> —c> =242 (tham khéo hinh vé).
YA

\E

|2
max

=04,=04,=2 [(M=2
= — M.n=2y2. Chon C.
|Z|min = OBI = OBZ = \/E

n=+2

2|21'z| :2|z| :>|z| <2—M=2.

2
2 ]—2.2

Dua vao hinh vé, ta thay [

Cach2.Taco 4= +

—1

z'z+i
1

. 2
1Z +——
i—1

2

{1+

2

Laic6 4° = z'z+i_ z'z+,i z'z+i, +
1 i—1 1—1

—1

+

iz 4+
1—4

‘z’z‘z +‘L
1+

2

]_4(/+2)
= 222 >V2——n=12.

Cau 3. Xét s phitc z théa mén |(z+2)i+1/+|(Z—2)i—1|=10. Goi M va m la gié tri 16n

nhét va gia tri nho nhét cua |z|. Tinh tong S =M +m.

A S=417. B. §=221. C.S=8. D. $=9.
Loi giai. Dat z=x+yi (x;y €R). Goi M(x;y) la diém biéu dién cta s phic 2.
Tac6 |(z+2)i+1|+[(Z—2)i—1|=10 & |z —(—2+1)|+|z— (2 +1)| =10. (1)

Goi F, (—2;1) la diém biéu dién s§ phtic —2+/; F,(2;1) la diém biéu dién s& phtic 2 +i.
Phuong trinh (1) dugc viét lai: MF, + MF, =10.

Ma FF, =4 <10—— quy tich diém M la duong Elip c6 hai tiéu diém 1a F, F,; d6 dai truc
16n 2a =10, tiu cu 2c = 4, d6 dai truc nhd 26 = 2/a* —¢? = 2421 (tham khao hinh vé).



Dua vao hinh vé, ta thay |z|min =0C =A+21-1.

Tacé A(5;1) 1a diém nim trén truc 16n ; B(O;\/ﬁJrl) la diém nim trén truc nhé. Vi OB > 04
suy ra B 1a diém ném trén Elip cach xa géc O nhét. Suyra |z| =0B= V2141

Vay M +m=221. Chon B.

2 2 x , N 2 712
Cach 2. Tap hop diém M biéu dién s6 phtic z nidm trén elip (E):;—5+(y21) =1.
Dit a=>5sint i ¢ € [0;2r)
F véi t €]0;27).
" |b—1=+/21cost
2
Khi d6 z|2 =O0M?* =a* +b* =2SSin2t—|—(1—|—\/21cost) =26—4cos’t +2+21cost
a=0
|Zmax:1+\/21 khi cost:1—>[b 1430
=1+
—>—1+\/21§|z|§1+\/21. Suy ra 0
a=
z| . =—1++/21 khi cost=-1—
| |mm {b:—1+\/ﬁ

Cau 4. Xét cac s6 phtic z thod mén |z4+1—i|+|z—3+i=6. Tim gia tri nhé nhdt P, cua
biéu thitc P =|z+1+4i.

A P, =2/5-2. B.P, =2J5+2. C. P, =~5-2. D. P, =5-+2.
Loi giai. Dat z=x+yi (x;y €R). Goi M(x;y) la diém biéu dién cta s phic z.
Trong mat phang véi hé toa do Oxy, goi F (—11) va F,(3;—1) thi gia thiét bai toan da cho c6
dang MF, + MF, =6.
Ma FF, =25 <6—— quy tich diém M la duong Elip c6 hai tiéu diém 1a F, F,; d6 dai

truc 16n 2a =6, tiéu cu 2¢c = 2\/5, d6 dai truc nhd 26 =2va* —c* =4 (tham khao hinh vé).

Dua vao hinh vé, ta thdy P = |z—|—1—|—4z’| nhé nhit < MN nhé nhét (véi N(—1;,—4) la diém
biéu dién s6 phiic —1—4i) < M = B,. Khi d6 MN__ = BN = IN —IB, = 2y/5—2. Chon A.
Nhan xét. Bai nay dic biét 6 chd diém N thudc dudng thing B B,.



Cau 5. Xét cac s6 phtic z théa |z -1 —i| +|z +1+ 3z'| = 6+/5. Gia tri 16n nhat cha P = |z—2-3i]
bang

A. 245 B. 4./5. C. 55. D. 6+5.
Loi gidi. Dat z=x+yi (x;y €R). Goi M (x;y) 1a diém biéu dién ctia s6 phic z.
Trong mit phing véi hé toa &6 Oxy, goi F,(1;1) va F,(—1;—3) thi gia thiét bai toan da cho c6
dang MF, + MF, = 6+/5.
Ma FF, = 2:/5 < 65/5—— quy tich diém M 1a duong Elip c6 hai tiéu diém 1a F,, F,; d6 dai

truc 16n 2a = 6+/5, tidu cu 2¢ = 2+/5, do dai truc nhd 26 =2va* —c? = 4+/10 (hinh vé).
YA

Vs

[P, =ca, =55
Duya vao hinh v§, ta thay { ™ =55
P, =CA =45

Nhan xét. Bai nay dic biét 6 chd diém C thudc dudng thing AA4,.

v6i C(2;3). Chon C.

Nhiing bai Elip trén thuoc dang Elip khong chinh téc (Elip xién), n6 khéng nim trong chuong
trinh SGK hién hanh nén ban doc chi tham khao thém, tuy nhién ciing cé cach diat 4n phu
(tinh tién + quay) dé dua vé Elip cd ban nhu chuong trinh SGK hién hanh nhung céng thic
cong kénh va khé nhé. Vi thé ¢ day ta chi khai thac nhiing bai dac biét 1a tim GTLN-GTNN
cta khoang cach tit mot diém thudc Elip dén mot diém c6 dinh ma diém cé dinh nay phai
thuoc cac duong thing chia cac truc cua Elip.
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