TRUONG THPT YEN DUNG SO 3 TO: TOAN - TIN

PE CUONG ON THI HQC KY 1 TOAN 11
) ) Nam hoc: 2017-2018
PHAN 1. PAI SO VA GIAI TiCH

CHUONG 1: HAM SO LUQNG GIAC, PHUONG TRINH LUQNG GIAC

I. Tom tit mot s6 dang toan thwong gip va phwong phap giai
Dang 1: Tim tip xac dinh ciia ham s6 lwong gidc.

1.Phwong phap:

Dé tim TXD ciia ham s6 y=f(x) ta thuc hién theo cac bude:

B1: Tim diéu kién cua x dé f(x) c6 nghia.

B2: Két luan TXD dudi dang tap hop.

Chu y: Vi cac ham lugng giac co ban ta co:

- Ham sb y=sinx va y=cosx xac dinh véi Vx e R.

- Ham sb y—=tanx xac dinh khi x # §+ krkeZ

- Ham sb y=cotx xac dinh khi x # k7, ke Z

2. Vidu
Caul:Tim tap xac dinh cua cac ham s6 sau :
a.y =tan (x+£) c.y :.Z—X b. y=cot (2x+£) d.y= I-sinx
4 sinx+cosx 6 1+cosx
Dang 2: Tim GTLN,GTNN ciia ciac ham s6 hrong gidc:
1. Phwong phap:

+) Str dung mién gié tri cia ham s6 lugng gic.
—1< sinx<1; —1< cosx<1;0< cos’x<1;0< sin’x<1:

0< |sinx| <1;0< |cosx| <1;0< ~ceosx £1;0< +/sinx <1,khi sinx >0, cosx >0.

—Ja*+b* <asinx+bcosx <va® +b>.

+) Str dung tinh chat ctia bat dang thirc : cong cc vé cua bat dang thirc vdi cing 1 s, nhan cac vé
cua bat dang thure véi cung 1 so,.......

2. Vidu ) ) ’

Cau2: Tim gia tri 16n nhat nho nhat ciia cac ham s6 sau :

a.y = +3sinbx+5 +2 d. y= «/sin* x+3 -1 b.y= 2cos’x+3

e.y= sinx-cosx c.y =3sin2x +4cos2x -1 f. y=3cosx-5

Dang 3: Xét tinh chin 1é ciia cic ham sb
1.Phwong phap gidi:
Dé xét tinh chén, 1é cta ham sé y = f(x) ta thuc hién theo cac budc sau:
B1: Tim tap xéac dinh D ctia ham sd,khi do:
+) Néu D 1a tap d6i xtng (fikc ld : ¥ xe D=> —x € D),ta thuc hién tiép budc 2.
+) Néu D khong phai 1a tap ddi ximg( tirc 1a Ix e Dm( ] -x ¢ D),ta két luan ham s khong chin
cling khong 1é.
B2: X4c dinh f(-x), khi dé:
. Néu f(-x) = f(x) véi Y xeD thiy =f(x) la ham s6 chan
. Néu f(-x) = -f(x) véi Y xeD thiy = f(x) la ham s6 Ié.
. Ngodi ra két lugn ham sé khéng chan ciing khéng Ié.
Chuy:
1. cos(-&) =cosa; sin(-) = -sing; tan(-a) = -tana;cot(-a) = -cota
2. Véi cac ham s6 lugng giac co ban ,ta co:
Céc ham sb y = sinx, y = tanx, y = cotx 1a cac ham s 1é; Ham sé y = cosx 1a ham s6 chén.
3.D6 thi ham s6 1¢ ¢6 tam ddi xtmg; D6 thi ham sb chin ¢ truc ddi xtmg.
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2. Vidu
Cau3: Xét tinh chan 1é ctia cdc ham so sau :

a. y= sin’x-cos’x c. y =cosx-sin’z

b. y= sinxcos3x d.y = sinx -cosx

Dang 4 : Giii phuwong trinh lwgng giac :

1. Phwong phap chung:

Bién d6i dwa vé phwong trinh lwong giac co ban rdi tim nghiém.

*) Chii y: Pt SinX = a;cosx = a ¢6 nghiém néu —1<a <1; pt tanx = g;cotx =a ludn cé
nghiém véi moi a.

*) Cac cong thirc lwgng giac:

Cong thirc lwgng giac co ban:

cos’a+sin‘a=1; l+tan’a = tana.cota =1

. 2, _ .
—; l+cot"a=—5—;
coS o S o«
1. Cong thirc cong cung:

cos(a - b) = cosa.cosb + sina.sinb _ tana+tanb
cos(a + b) = cosa.cosb - sina.sinb tan(a +b) = l—tanatanb
sin( a + b) = sina.cosb + cosa.sinb tana —tan b
sin(a - b) = sina.cosb - cosa.sinb tan(a-b) = ———
l+tanatanb
2.Cong thirc nhin doi: 3.Cong thirc nhan ba:
cos2a = cos?a - sina = 2cos?a— 1 =1 - 2sin’a
sin2a = 2sina.cosa cos3a = 4cos’a - 3cosa
2tana
tan2a = 5
I-tan“a
4.Céong thirc biéu dién sina, cosa, tana theo t = tan%
. t -t
Sina =——=-; cosa=———=-; tana= .
1+£2 1+¢ 1-£2
5.Cong thirc ha béc: cosza = %; Sin2 a= %
6.Cong thirc bién ddi tich thanh tong.
1 .
cosa.cosb=—[cos(a-b) + cos(a+b)] tana+tanb = w
2 cosacosb
. 1 ; _
sina.sinb=— [cos(a-b) - cos(atb)] tana—tanb = M
2 cosacosbh
1
i - Isin(a- i . ) T T
sina.cosb 5 [sin(a-b) + sin(a+b)] sina + cosa =2 s1n(a + —j =2 cos(a — —j
7.Céng thirc bién d6i tong thanh tich. 4 4
. . T T
sina —cosa =+/2 sm(a _Zj =—/2 cos(a + Zj
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cosa+cosb:2cosa+bcosa;b

cosa—cosb=—2sina;bsina;b

sina+sinb:2sina;bcosa;b

. . b . a-b
sinh=2cos At

sina —sin cos——sin—

*) Cong thirc nghi€ém cua ptlg co ban:

. . x=a+k2r
1. sinx = sinaa < (keZ);
X=rm-a+k2rx
x=a+k2r
2. cOSX =Cosax <> (keZ)
Xx=-a+k2rx

.tanx=tana <> x=a+kzr (keZ);

4. cotx=cota > x=a+kr (keZ)

2. Vidu

Cau 4: Giai cac phuong trinh lugng giac sau :

b. cost—\/gsinZX: -2 c. 3tanx - 4cotx+1 =0

e. \/gsin7x -cos7x = \/5

a. 2sin’x —3sinx+1 =0

d. 3coszx+2\/§ sinxcosx+35sin’x=2

f. 6cos’ [X+ %j -3sinxcosx-cos’x=1 g. 2 - 5sinx+cos2x =0

e 2 2 .2 2
h.sin“"3x —cos“4x =sin” 5x —cos“6x

k. 4 sin’2x+8cos’x - 9 =0

m. 2sin’x —3sinx+1 =0

1.14+cosx+cos2x+cos3x=0
I. 1+sinx +cosx+sin2x+2cos2x =0

3 (l-cosx)cos2 X

n.5S5cosx-2=

sin”x
I1. Bai tap trac nghiém
Cau 1: Phuong trinh sinx + V3cosx =1 co tAt ca céc nghiém la

A. x=%+k27r, x=—%+k27r, keZ. B. x=—%+k2ﬂ, x=%+k2ﬂ, kel.

T

C. x=k27r,x=27”+k27r,k€Z. D. x—6+k27z,x=%+k27z,k€Z.

Cau 2: Giai phuong trinh sin’ x—3sinxcosx+2cos’x=1 ta duogc tat ca cac nghiém la
A. x=§+k7r,x=%+kﬂ, keZ. B. x=%+k7r, kel.

T

C. x=5+k27z',x=%+k7r, kel. D. x=7r+k27r,x=%+k27r, keZ.

Cau 3: Ham s0 nao sau day 1a ham so 1¢?

A. y=sin2x. B. y=cos2x. C. y=cosx. D. y=sinx+1.

Céu 4: Haim s6 y =sinx dong bién trén khoang

A. z;ﬂ' . B. (0;7r). C. 0;z . D. 7r;3—7T .
2 2 2
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Cau 5: Phuong trinh 2cos(3x+%j —/3 =0 co tht ca cac nghiém la

Ax=-Z ik i x= 22 kez
36 3 36
B.x=- D8 320 TG 27 ey
36 3 6
Cox=Ztk® vax="Z k2" ez
36 3 36
D.x= "k 2Z va x=Z k22 kez.
36 3 36 3
Cau 6: Giai phuong trinh sin x = L duoc tat ca cac nghiém la

2
A. x=—%+k27r,x=57ﬂ+k27r, keZ. B. x=—%+k27r,x=—57”+k2ﬂ, kel.

C. x=%+k27r,x=57”+k27r, keZ. D. X=%+k2ﬂ, x=—57ﬂ+k27r, kel.

Céu 7: Phuong trinh cos® x—3cosx+2 =0 co tit cd cac nghiém la

A.x=k2rx, ke Z. B. x=k27z, x=*arccos2+k2x, k € Z.
C.le%z,kEZ. D.x=kr,ke’l.
Ciu 8: Tap xac dinh ciia ham s6 y =— 1a

sinx+1
A. R\ {k2mk € Z}. B. R\ {r + k2mk € Z}.
C.R\{%—i—k%,kez}. D.R\{§+k2ﬂ,kez}.

Cau 9: Trong khoang

0; g] , phuong trinh sin® 4x + 3sin4xcos4x—4cos’4x=0 co

A. 1 nghiém.  B. 2 nghiém. C. 3 nghiém. D. 4 nghiém.

Cau 10: Phuong trinh cos® x + cos” 2x +cos” 3x +cos” 4x = 2 twong duong véi phuong trinh
A. cosx.sinSx.sin2x=0. B. cosx.cos5x.cos2x=0.

C. cosx.sin4x.sin2x=0. D. sinx.sin5x.sin2x=0.

A NREY: Apoox e 5 X, \ X T A \
Cau 11: Gia tri 16n nhat va gia tri nho nhat ctia ham so y=3cos(x—§j—2 lan luot la

A.1va-5. B.-3val. C.1vas. D.-1vas.
Céu 12: Tap gia tri cia ham sd y =sin2x 1a
A. [—2;2]. B. [—1;1]. C. (-11). D. [—1;2].

Céu 13: Tim tap xac dinh cia ham s y = tan(2x-2)
Y 4

37 krn }

A.D:R\{—+—,keZ 37, kx }
7 2

B.D:R\{—+—,keZ
8 2

37 kr }

C.D=R\{—+—,keZ Sz kx }
5 2

D.D=R\{—+—,keZ
4 2

Céu 14: Cho ham sb: y = cos+/x —1 +2x, TXD ctia ham sb 1a:
A. [l:400) B. (I;+0) C.(~030) D.R

Pé cwong 6n thi HK1 Toan 11 — Trang 4



TRUONG THPT YEN DUNG SO 3 TO: TOAN - TIN

Cau 15: Cho ham s: y = 2sin+/1—x? +3cosx, TXD ciia ham s 1a:

A. [I;400) B. (—o0;]) C. [-11] D.R
Céu 16: Cho ham s6: y = ﬂ , TXD ctia ham s6 la:
2sinx—1
A.D=R\{%} B.D=R\{%+k27r,kez}
C.D=R D. D:R\{%+k2ﬂ;%+k2ﬂ,kez}

Céu 17: Ham s6 nao sau ddy khong phai 1a ham s6 1¢?
(A)y=sinx. (B)y=cosx. (C) y = tanx (D) y = cotx.
Cau 18: Gia tri nho nhat, gia tri 1én nhat ctia ham so sau y =3-4cos’ 2x

A.miny =-1,maxy =4 B.miny=-1,maxy =7
C.miny =-1,maxy =3 D.miny =-2,maxy =7
Ciau 19: y=tan5x 1a ham s tuan hoan véi chu ki:

A T=z B.T:z?” C.T:% D. T=2z

Céu 20: Tim tap xac dinh cta ham sb sau y= tan(x—%).cot(x—%)
A.D:R\{%+k7r,§+kﬂ;keZ} B.D:R\{%{+k7r,%+kﬂ;keZ}

C.DzR\{%{+kﬁ,g+k7r;keZ} D.D=R\{%+k7r,%+k7r;k62}

CAu 21: Ham s6 ¢6 dd thi nhén truc tung lam truc dbi xung ?

. 1 ‘
(A) Y =SIn xcCos x. (B) y= Cc0S2X (C) y=—" (D) y= s1n3 X
Sinx

CAau 22: Tim tap gia tri 16n nhét, gia tri nho nhét ciia ham s sau y =2sin’ x + cos” 2x

A.maxy:4,miny:% B.maxy =3, miny =2

C.maxy=4,miny=2 D.maxy:3,miny:%

Ciu 23: Nghiém cuia phuong trinh 5—5sinx—2cos’ x =0 la:

A kr kel. B. K27z, keZ.

C.%+k27z,keZ. D.%+k27z,keZ.

Céu 24: Nghiém dwong bé nhét ciia phuong trinh 2sin® x+5sinx—3=0 1a

A. 3sinx—-3=0 B. 2cos’ x—cosx—1=0

C. tanx+2=0 D. 2sinx+3=0

Cau 25: Mot ho nghiém ctuia phuong trinh 2cos2x+3sinx—1=0 Ia

A. 7z+arcsin(—ij+k27z B./Z'—B.I’CSil’l(—%j-i—kzﬂ'

C.z—larcsin L +km D.Z arcsin . +km
2 2 4 2 4
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CHUONG II: TO HQP — XAC SUAT

L TOM TAT KIEN THUC CO BAN

VAN DE 1: QUY TAC DEM.

1) Quy tic cong

Mot cong viée duge hoan thanh boi mot trong hai phuong an. Néu phuong an mét c6 m cach thuc
hién , phuong an hai c¢6 n cach thuc hién khong tring véi bat ki cach nao cta phuong an thir nhat
thi cong viéc d6 c6 m + n cach thuc hién.

Chi y: C6 thé mo rong quy tic cong nhu sau :

Mot cong viéc duge hoan thanh bdi mot trong k phuong an A1, Az, ..., Ak . phuong an A; cé ni
cach thyuc hién, phuong an Az cé n2 cach thuc hién , ..., phuong an Ak cé nk cach thyc hién .Tat ca
cac phuong an nay khong tring nhau. Khi d6 sé cach hoan thanh cong viée 1a : n+n,+n,+..+n
cach .

2) Quy tic nhén :

Mot cong viéc duge hoan thanh badi hai hanh dong lién tiép Néu c6 m cach thyuc hién hanh dong thir
nhét va g v&i moi cach d6 co n cach thyuc hién hanh dong thir hai thi c6 m.n cach hoan thanh cong
viéc do .

Chii ¥ : C6 thé md rong quy tac nhan nhu sau :

Mot cong viéc dugc hoan thanh bdi mét trong k hanh dong A1, Az, ..., Ak lién tiép nhau. Hanh
dong A1 c6 ni cach thuc hién, hanh dong Az c6 n2 cach thyc hién , ..., hanh dong Ak c6 nk cch thuc
hién . Khi d6 s6 sb cach hoan thanh cong viéc 13 : ni n2 ...nk cach .

VAN DE 2: HOAN VI - CHINH HOP — TO HOP.

1. Ho4n vi

a. Dinh nghia

Cho tap hop A gdm n phan tir ( 7>1). Mdi két qua cta viéc sip xép thtr ty n phén tir cta tap hop A
duoc goi la mdt hoan vi cian phﬁn tr do .

Nhan xét: Hai hoan vi ctia n phan tir chi khac nhau & thir tu xap xép.

b. S6 cac hoan vi

Ki hiéu P 1a so cac hoan vi ctia n phan tir. Ta c6 :

P =nl=n(n-1).(n-2)..2.1

Quy wée:  0!=1,1!=1.

2. Chinh hop
a. Pinh nghia
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Cho tap hop A gdm n phan tir ( n>1). Két qua cia viéc 1y k phan tir khac nhau tir n phan tir caa
tap hop A va sip xép chung theo mot thir tw nao d6 duwgc goi 1a mot chinh hop chap k cta n phan tir
da cho.

b. S6 cac chinh hop

Kihiéu 4" 156 cac chinh hop chap k ctia n phan tir (0<k <7 ). Khi d6 ta cé :

S = n!
" (n=k)!

Chu y : Mot chinh hgp chap n cuan phén tir [a m&t hdan vi ciian phé”m te.Nhu vay : 4" =P, =n!
3. To hop
a.Dinh nghia
Cho tap hop A gdm n phan tir ( 7>1). Mi tip con c¢6 k phan tir cua tdp A duoc goi 1a mot t6 hop
chap k ctia n phén tir .
b.S6 cac to hop
Ki hiéu C* 1a 56 cac t6 hop chap k ctia n phan tir (0<k <n ). Khi d6 ta cé :

‘ n!

Cn = <
k\(n—k)!

¢.Céc tinh chit ciia t6 hop
Taco:a) Cr=C'*
b) Crlf = C:—l + C::ll
VAN DE 3:NHI THUC NIU-TON.

Nhj thirc Newton ding dé khai trién biéu thirc dang : (a+b)", ne N

Cong thirc nhi thirc Newton :

(a+b)' =Cla" +Cla"'b+C2a" b +..+ Cra"*b" +...+ C'"'ab"" + C'b"

Hoac :

(a+b)' =) Cila""b", 0<k<n

k=0

S6 hang téng quat trong khai trién trién 1a: T, =Cla" b, 0<k<n
VAN DE 5: PHEP THU VA BIEN CO
1. Phép thir

Phép thir ngau nhién( hay phép thir ) 1a mot thi nghiém hay mot hanh dong ma
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e Takhong doan trudc duoc két qua xay ra
e Tuy nhién ta c6 thé liét ké duoc tit ca cac truong hop co thé xay ra ctia phép thir d6 .
2.Khong gian miu
Tap tat ca cac két qua co thé xay ra cia mot phép thir duge goi 1a khong gian miu .
Kihiéu: Q
3. Bién ¢b
Bién c6 1a mot tap con cua khong gian mau .
e Bién cb khong thé : 1a bién cb khong bao gio xay ra.
4.Tinh chit ciia bién c6
a.Bién c6 ddi

Goi A 1a bién ¢ ctia mot phép thir . Khi d6 tap Q\ 4 duoc goi 1a bién cb dbi cua bién ¢ A.

Kihidu: 4 .Vay 4 =Q\ 4
b.Bién c6 xung khic
Goi A va B 1a 2 bién ¢6 ciia mot phép thir ndo d6 . A va B duoc goi 1a 2 bién ¢b xung khic néu A
va B khong dong thoi xay rahay ANB=0.
5. X4c suit ciia bién c6

a.Pinh nghia co dién ciia xac suat

Goi A 14 bién ¢ cia mot phép thtr . Khi do ti s6 % duoc goi 1a xac xuét cu a bién cd A.
Ki hidu : P(4) = %

b.Céc tinh chét ciia bién c6

1. P(@)=0

2. P(Q) =1

3.0< P(A)<1,V4

4. VA tacd: P(A)=1-P(A)
c. Cac quy tic tinh xic suit.
Qui tac cong: Néu 4N B =@ = P(4UB)=P(A)+ P(B)
Qui tic nhan: Néu 4, Bdoc 1ap thi P(A.B)=P(A).P(B)
II. TOM TAT MOT SO DANG TOAN THUONG GAP VA PHUONG PHAP GIAI
VAN DE 1: QUY TAC DEM.

Dang toan 1:Sir dung quy tic dém dé thye hién bai toan dém s6 phwong an

DPé st dung quy tac cOng trong bai toan dém, ta thuc hién theo cac budc sau:
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Budc 1. Phan tich cac phuong an thanh k nhém doc 1ap vai nhau.
Bude 2. Néu nhom 1 ¢6 ni cach chon khac nhau

Nhoém 2 ¢6 n2 cach chon khac nhau

Nhom k ¢6 nk cach chon khac nhau

Budc 3. Khi 0, ta c¢6 tat ca ni+no+...+nphuong an.

« Dé str dung quy tic nhan trong bai toan dém, ta thuc hién theo cac budc sau:
Budc 1. Phan tich mot hanh dong H thanh k cong viéc nho lién tiép

Bude 2. Néu cong viéc 1¢o6 ni cach thuc hién khac nhau

Cong viéc c6 nacach thuc hién khac nhau

Cong viée k co6 nk cach thuc hién khac nhau

Budce 3. Khi d0, ta ¢ tit ca ni.no...nk cach thuc hién.

Dang toan 2 :Sir dung cac quy tic dém dé thwc hién bai toan dém cAc s6 hinh thanh tir 1 tap
hop s6 cho trwéc nao do

+ Sir dung quy tic nhan dé thuc hién bai toan dém sb cac s gdm k chit s6 hinh thanh tir tap A, ta
thuce hién theo cac budc sau:

Budc 1. Sb can tim ¢6 dang: m, a €Ai=12,..,ka #0..

Budc 2. Dém sb cach chon a, (khong nhat thiét phai theo thir tw) gia st 6 7, cach.

Budc 3. Khi d6, ta co tat ca n,.n,...n, sO.

+ Sr dung quy tic cong va quy tic nhan dé thyuc hién bai toan dém s cac sé gom k chir s6 hinh
thanh tr tap A, ta thuc hién theo cac budc sau:

Budc 1. Chia cac sé can dém thanh cac tap con Hi, Hz , ... doc lap v6i nhau.

Budc 2. Str dung qui tic nhan dé dém sb phan tir cua cac tap Hi, Ha , ..., gia st bang ki, ko, ...

Bude 3. Khi d0, ta c6 tat ca ki+ ko +... sb.

VAN DE 2: HOAN VI - CHINH HOP — TO HQP.

Dang toin 1:Sir dung hosn vi, chinh hop, t6 hop dé thue hién bai toan dém.

Phwong phap:

1. Bé nhan dang mot bai toan dém c6 st dung hoan vi cia n phén tu, chung ta thuong dua trén cac
déu hiéu sau:

- Tét ca n phan tir déu co mit

- Mbi phan tr chi xut hién mot lan.

- C6 phén biét thtr ty gitra cac phan ti.
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2. Bé nhan dang mot bai toan dém c6 st dung chinh hop chép k ciia n phan tir, chung ta thuong dua
trén cac diu hiéu sau:

- Phai chon k phan tir tir n phan tir cho trudc.

- C6 phéan biét thu ty gitta k phﬁn tir duoc chon.

3. Pé nhan dang mot bai toan dém c6 sir dung t6 hop chép k cta n phan tir, chung ta thudng dua
trén cac dau hiéu sau:

- Phai chon k phan tir tir n phan tir cho trudc.

- Khong phan biét thi tu gitra k phﬁn tir duoc chon.

Dang toin 2:Cac bai toan: rut gon biéu thirc, tinh gia tri biéu thirc, chirmg minh ding thirc,
bat dang thirc, gidgi phwong trinh, bit phwong trinh trong dé c6 chira cic toan tir hoan vi,
chinh hop, té hop.

Phwong phap:

« St dung thanh thao céc cong thac P, 4, C .

n>*n>

¥,C* chang han:

n

« Nam dugc céc tinh chat ciia P, 4
n!:(n—l)!n =(n—2)!(n—1)n =..

C’/; = C:_k ’ Cf__ll + Cllz(—l = Cf

Ta thuong sir dung mot trong cac cach sau:

« Cach 1. Str dung céc phép bién doi.

« Cach 2. Str dung cac danh gia vé bat dang thuc.

* Cach 3. Str dung phuong phap chirng minh qui nap
« Cach 4. Str dung phwong phap dém.

VAN DE 3:NHI THUC NIU-TON.

Dang toin 1: Khai trién nhi thirc Niuton

Phuong phap gidi: Sir dung cong thurc

(a+b)' =Cla" +Cla"'b+C2a" b’ +..+Cra""b" +..+C''ab" +C'b"

(a=b)'=Cla" —=Cla"'b+Cla" b’ +..+ (1) Cla" b +..+(=1)""'C'ab"™" +(=1)"C!b"
- Trong khai trién nhj thtrc cin chi ¥:

+S6 mil cia a giam dan tir n vé 0, s mii cia b ting dan tir 0 dén n, téng s6 mil cta a va b luén bang
n.

+Co n+1 s6 hang trong khai trién.

Dang to4n 2: Tim hé s6, s6 hang trong khai trién.

Phwong phap giai: Vi yéu cau vé hé sb trong nhj thirc Niu-ton, ta cdn 1am theo cac budc:
Budc 1. Viét s6 hang tong quat.

Budc 2. Ding cong thirc lily thira rat gon sb hang téng quat.
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Budc 3. Dya vao dé bai, giai phuong trinh hai s6 mil bang nhau.

Chuy:

- S6 hang khong chtra x tirc 13 s6 hang chira x°.

- Phai phén biét duoc yéu cau dé hoi 1a sé hang hay hé s6 ma tra 1i cho chinh xéc.

- Céc cong thirc lity thira can nhé:

Dang toin 3: Tinh tong

Phuong phap giai: St dung nhi thirc Niu-ton, két hop véi viéc:
- Lya chon gia tri thuc phu hop.

- Str dung cac phép bién ddi dai so.

VAN DE 5: PHEP THU VA BIEN CO

Dang 1. Mé ta khong gian maiu. Tim sé phan tir ciia khong gian maiu

Phuong phap giai: Yéu cau duoc chuyén thanh dém sé phan tir cta tap hop, tir d6 mo ta tap hop nay
bang phuong phap liét ké.

+ Duya vao dinh nghia vé khong gian mau.

+ Nam chéc cac kién thirc vé hoan vi — chinh hgp — t6 hop dé ap dung tinh s6 phan tir cta khong
gian mau.

Dang 2. Xac dinh tip hop cac két qué thuén lgi cho mdt biét cb. Tinh s phén tir ciia tip hop
nay

Phuong phap giai:

+ Nam duoc khai niém vé bién cd lién quan dén phép thir T .

+ Str dung dinh nghia mét két qua thuén loi cho bién cb A. Tap hop tat ca cac két qua thuén loi cta
A.

+ Van dung kién thirc vé dai s6 t6 hop dé tinh s6 phan tir ciia khong gian mau Qa |

Dang 3. Tinh xéc suit ciia mdt bién co

+ X4c dinh duoc sé phan tir ciia khong gian miu va cua bién cb.

+ Ap dung dinh nghia c6 dién ctia xac suit va cac quy tic tinh xac sudt.

III. BAITAP TU LUAN

N \ A , - . « R « R , 2
Bai 1: Tim s6 hang thit nim trong khai trién biéu thirc : (x +=)"
X

N . <R 1 \ ’ , A I3 A A o I A
Bai 2: Trong khai trién (x° —5)20 thanh da thurc, tinh tong cac hé so cua da thirc nhan dugc.
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N 3 A A ;) . 3 1 n e N
Bai3: Tim  hé sO cua x% trong  khai  trién (—+ x") biét  ring
X

1 2 3 n
C2n+l + C2n+l + C2n+l t..t C

2n+1

=2"-1,neZzZ".

Bai 4: Tim hé s6 cia x° trong khai trién (1+2x+3x?)" theo lity thira ciia x.
Bai 5: Tinh cac tong sau:

S, =3"°C), -3"Cl, +3"C. +..+ C)¢

_ 0 22 4 ~4 2016 2016
S2 - C2017 +3 C2017 +3 C2017 +...+3 C2017

_ 0 2019 1 2018 41 2 2017 42 2018791 42018 2019
S, =C0 30—l 384+ C2) 304~ CIE3I4%0 4

2019
Bai 6: Mot binh dung 5 vién bi xanh va 3 vién bi d6 chi khac nhau vé mau. Lay ngiu nhién 4 vién
bi. Tinh x4c suat dé duoc it nhat 3 vién bi xanh.
Bai 7: Mot hop dung 12 vién bi, trong d6 ¢6 7 vién bi mau do, 5 vién bi mau xanh. Liy ngéu nhién
mdt 1an 3 vién bi. Tinh x4c suat trong cac trudng hop sau:
a. Lay duoc 3 vién bi mau xanh.
b. LAy duoc it nhat 2 vién bi mau xanh.
c¢. Lay duoc 3 bi ciing mau.
d. Lay duoc 3 bi khac mau.
Bai 8: Mot 16p hoc c6 15 hoc sinh nam va 10 hoc sinh nit gido vién goi ngau nhién 4 hoc sinh 1én

bang giai bai tap. Tinh xac suat dé 4 hoc sinh duoc goi ¢6 ca nam va nit.

e . 5 \ \ < < A 5 , A A o < I \ 2 ’
Bai 9: Hai xa thu A va B cung nham ban mdt con tho. Xac suat dé xa thu A ban tring la 7; Xac

A A 5 < , \ 1 ’ ’ A A
suat dé xa tha B ban trang 1a . Tinh xac suat dé:

a. Ca hai xa thi diéu bing tring.

b. Chi mét trong 2 xa thi1 bin trng.

c. It nhit mot trong 2 xa tha bin trng.
d. Ca hai déu ban truot.

Bai 10: Mot thiy gido c6 12 quyén sach d6i mot khac nhau trong d6 c¢6 5 quyén sach Toan, 4 quyén
sach Vat 1y, va 3 quyén sach Héa hoc.Ong mudn lay ra 6 quyén dem ting cho 6 hoc sinh
A,B,C,D,E,F mdi em mot quyén.Tinh xac suat dé sau khi ting sach xong mdi mot trong ba loai
Toan, Vat Iy, Hoéa hoc déu con lai it nhat mot quyén.

IV. CAU HOI TRAC NGHIEM

Céu 1: C6 bao nhiéu cach sip xép 4 nguoi vao 4 ghé ngdi duge bd tri quanh mot ban tron?

A.12 B.24 C.4 D.6

Cau 2: SO tw nhién n théaman 4> —C" =5 la:

n+l1
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A.n=3 B.n=5 C.n=4 D.n=6

Céu 3: Sép xép 6 nam sinh va 4 nit sinh vao mot diy ghé hang ngang c6 10 chd ngdi. Hoi co bao
nhiéu cach sip xép sao cho cac nit sinh luén ngdi canh nhau va cac nam sinh luén ngdi canh nhau?
A.207360 B.120096 C.120960 D. 34560
Céu 4: C6 12 hoc sinh giéi gdm 3 hoc sinh khdi 12, 4 hoc sinh khdi 11 va 5 hoc sinh khdi 10. Hoi
¢ bao nhiéu cach chon ra 6 hoc sinh sao cho mdi khdi ¢6 it nhat 1 hoc sinh?
A.85 B.58 C.508 D. 805
Cau 5: Mot 1op c6 15 hoc sinh nam va 20 hoc sinh nit. C6 bao nhi€u cach chon 5 ban hoc sinh sao
cho c6 dang 3 hoc sinh ntr.
A.110790 B.119700 C.117900 D.110970
Cau 6: Cho 10 diém phan biét 4, 4,,..., 4,, trong d6 c6 4 diém 4,, 4,, 4;, 4, thang hang, ngoai ra
khong c6 3 diém nao thang hang. Hoi cs bao nhiéu tam giac ¢6 3 dinh dugc 1iy trong 10 diém trén?
A.96 tam giac B.60 tam giac C.116 tam giac D.80 tam giac
Cau 7: Mot hop dung 5 vién bi mau xanh, 7 vién bi mau vang. C6 bao nhi€u cach le‘ly ra 6 vién bi
sa0 cho c6 it nhat 1 vién bi mau xanh?

A. 105 B.924 C.917 D.665280

Ciu 8: C6 120 cach sap xép n ngudi vao mot ban tron. Khi d6 gia tri cua n la:

A. n=10 B. n=7 C.n=5 D. n=6
A ey A .. P-P 1
Cau 9: Tinh tich cac nghiém cua phuong trinh =——= = P
x+1
A. 6. B. 12. C.5. D. 3.

Cau 10: Mot t6 cong nhan c¢6 12 ngudi. Hoi co bao nhidu cach chon ra mot to cong tic gom 3
ngudi sao cho ¢ 1 ngudi 1am to trudng, 1 nguoi 1am t6 phé va 1 ngudi lam thu ki. Biét rang khong
c6 ai kiém nhiém va ai cling co thé dugc chon. Hoi ¢6 bao nhiéu cach chon.
A.3'4) B. 12! C. C, D. 4,
r I3 10
Céu 11: Hé s ctia x® trong khai trién (x* +2) " la:
6 ~4 6 4 6 ~6
A. C,2 B.Cj, C.C, D.C;;2

2
X

40
Cau 12: S6 hang cua x3! trong khai trién (x+ij la:
A —Cy B.Cx" C.C2x" D.C:x
Cau 13: Tim hé s6 cua x”y’ trong khai trién cia (x + 2y)6 :
A. 8. B. 120. C. 20. D. 160.
2017 4+
la:

Ciu 14: S6 s6 hang trong khai trién x(1+ x)
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A. 2017 B. 2018 C.1 D. 4034

Ciu 15: Tinh S = C12017 + Cgon + Czon Tt Cigiz
A. S =27 B. 227 11 C. 227 _q D. 2216

Cau 16: Vi hai s6 thuc a,b bét ki, khiang dinh nao dudi day dung?

A. (a+b) =a* +4a* +6a’h* +4b> +b*. B. (a+b)' =a* +a’b+a’h* +ab* +b".
C.(a+b) =a*+b". D. (a+b)' =a'+4a’b+6a’h* +4ab* +b".
Céu 17: Ménh dé nao sai trong cac ménh dé sau day?

A.2"=C+C +C’ +..+C! B.0=C -C,+C, —...+(-1)" C/

C.1=C,) -2C, +4C, —...+(-2) C! D. 3" =C’+2C +4C> +..+2"C"

Cau 18: Tinh gi4 trj cita bidu thic S = €, . +ic§m +%cgm +..-+%cgg;g.

2018 2018 2018
A s=> *l B.§=> ! c.s=> 1 ps +1

2019 ° : - 2018 ° - 2019 : - 2018
2 2 2 2

2018
3

Cau 19: Tong A=Cly, +22C2, +3°Coyy +..+ 2016 C2'¢ 42017 C2'7 bang
A. 2016.2017.2%'° B. 2017.2018.2%"".
C. 2016.2017.2*" D. 2016.2017.2%"7

Cau 20: Tim s6 hang khong chitax trong khai trién biéu thirc (X\/; +L4) , biétC? —C! = 442
x

A. 525 B. 238 C. 165 D. 485
Ciu 21. Gieo ngau nhién mot dong xu can ddi va dong chat lién tiép bon l1an. Tinh xac suat cua
bién cd 4 : “Ca bdn lan déu xuat hién mat ngua”.

3 3

A P(A)=2. B. P(4)=-. 1

C. P(4)= -

1
= D. P(4)
8

Céu 22. Bai kiém tra mot tiét nay c6 20 cau hoi tric nghiém, mdi cau hoi c6 4 phuong an tra 10i (A,
B, C, D) va chi c6 mot phuong 4n dung. Tinh xac suit dé tat ca cac dap an déu la phuong an C.

1 1 D 1

1
A.—. B. —. C. . . —
4 4% 20* 80

Cau 23. Gieo ngiu nhién mdt con siic sic can doi va dong chat hai lan. Tinh xac suat dé mit sau

cham xuat hién it nhat mot lan.

Al B. L. L
36 3 36

O | —
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Cau 24: Hai nguoi doc 1ap nhau ném bong vao rd6. Moi ngudi ném vao rd ciia minh 1 qua bong.
A N I4 A r I4 /. \ A 5 X N J \ 1 \ 2 r A A o .
Bict rang xac sudt ném bong tring vao ro cia moi ngudi tuong ung la 3 va F Xac sudt dé ca hai

ngudi cling ném bong vao rd 1a:
IR et b2
35 25 49 35
Céu 25:Gieo ngau nhién 2 con xtc sic can dbi ddng chét. Tim xéc sudt cua bién cd A: ” Tong sb
chdm xudt hién 13 7.
A. % B. 2 c.>

. — D
9 18

1
)
Cau 26: Mot td hoc sinh gém c6 6 nam va 4. Chon ngau nhién 3 em. Tinh xac sudt 3 em duoc
chon c6 it nhat 1 nit.

A2 B. 1 c. L D. L
6 6 30 2
Cau 27: Trén gia sach c6 4 quyén sach toan, 3 quyén sach 1y, 2 quyén sach héa. Lay ngiu nhién 3
quyén sach. Tinh xac suat dé 3 quyén duoc ldy ra thudc 3 mon khac nhau.
N L . 5
Céu 28: Trén gia sach co 4 quyén sach toan, 3 quyén sach 1y, 2 quyén sach hoa. Liy ngau nhién 3
quyén sach. Tinh x4c sudt dé 3 quyén duoc liy ra déu 13 mén toan.

A2 B. - T D. >
7 21 42 42
Cau 29: Trén gia sach c6 4 quyén sach toan, 3 quyén sach 1y, 2 quyén sach héa. Lay ngiu nhién 3
quyén sach. Tinh xac suat dé 3 quyén duoc 1y ra co it nhat mot quyén 1a toan.

A 2 B. - c.’ D. >
7 21 42 42
Cau 30: Gieo mot déng tién lién tiép 3 lan. Tinh x4c suét cta bién cd A: “it nhat mot 1an xuét hién
mat sap”

3

A. P(4)= % B. P(4) =3 C. P(4)= % D. P(4) = %
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CHUONG III: DAY SO - CAP SO CONG — CAP SO NHAN

L TOM TAT LY THUYET CO BAN

Vin dé 1. PHUONG PHAP QUY NAP TOAN HOC

L1 Khdi ni¢m : D¢ chimg minh ménh dé chua bién 4 () 1a mot ménh dé dung véi moi gid
tri nguyén duong » , ta thuc hién nhu sau:
e Buwéc 1:Kiém tra ménh dé ding voi n=1.
e Budéc 2:Gia thiét ménh d¢ dung vai s6 nguyén duong n=k tuy y (k>1), chimg minh rang
ménh dé dung voi n=k+1.
1.2 Chii y: Néu phai chimg minh ménh dé 4 (n)1a duing v6i véi moi s6 nguyén duong
n>pthi:
e O budc 1, ta phai kiém tra ménh dé dang voi n=p
e O budc 2, ta gia thiét ménh dé dung voi sé nguyén duong bat ki n =k > p va phai ching
minh ménh dé dung véi n=k+1.

V4n dé 2. DAY SO

. O S T Gy Su S L, ur N*>R
2.1.Dinh nghia :Day so 1a ham so véi doi so 1a so tu nhién

n—u(n)
2.2. Dy so tang, diy sé gidm

. (un)lédﬁyséténg <u,, >u, ,VneN

n+l

<su,,—u,>0,VneN

n+l

<:>M>1, (un>0,VneN*)
u

n
o (u,)ladaysogiam <u,, <u, ,VneN
<u,,—u,<0,Vne N

u,, *
@u—1<1, (,>0.VneN")

2.3.Day sé bi chin

e (u,)laddysobichintrén < 3IM eR: u, <M ,VneN .

o (u,)laday s bichinduéi < ImeR: u, >m,YneN .

o (u,)laddysobichin <3Im, M eR: m<u,<M ,VneN .
Vin dé 3. CAP SO CONG

+ Dinh nghia :Diy sb (u,)la capsdcong < u,  =u,+d ,VneN

d 1a s0 khong doi , goi la cong sai ctia cap so cong .

Pé cwong 6n thi HK1 Toan 11 — Trang 16



TRUONG THPT YEN DUNG SO 3 TO: TOAN - TIN

+ 806 hang tong qudt : u, =u, +(n-1)d , (VnZZ , neN*).

+ Tinh chit : u,

_ U U,

,(Vk22,keN').

K

+ Téng n sé hang diu tién :

S =u tu,+..+u, =

n(u, +u,) _ n[2u, +(n—1)d]
2

Vén dé 4. CAP SO NHAN

+ Djnh nghia :Day s6 (u,)1a cép sé nhan <u,,, =u,-q, (‘v’n € N*)

q 1a so khong do6i , goi 1a cong boi cua cap s6 nhan .

+ 806 hang tong qudt : u, =u,.q"" , (Vn >2,ne N*).

+ Tinh chit : w =u,_ ., (‘v’k22 , k eN*).

+ Téng n so hang ddu tién :

S =u, +u, +...+u, =nu, khi g =1

S,1=u1+u2+...+un=M khi g #1

II.
1.

l-g
TOM TAT MOQT SO DANG TOAN THUONG GAP VA PHUONG PHAP GIAI

Chirng minh cic ménh dé bing quy nap

Phwong phap : Ta thuc hién ding theo 2 budc :

e Budc 1 : (bude co s6) Chimg minh dang thirc ding khi =1 (hodc n=p).

e Budéc 2 : (budc quy nap) Gia sir dang thirc dang khi n=k véi k>1 (hay k > p) ta phai

chimg minh ding thirc d6 ciing dung khi n=4k+1.

2. Tim céc s6 hang cia diy sé va tim s6 hang tong quat ciia diy so khi cho bang hé thirc
truy hoi .
Phwong phap :

3.

e Dua theo cach cho cta day so d€ tim ra cac s0 hang can tim , néu day so cho dudi dang tong

quat thi mudn tim sé hang thir k ta chi viéc thay n =k vao cong thirc tong quat . Néu diy sd
cho duéi dang truy héi thi ta phai tinh cac s6 hang truy hdi dan 1én dén s6 hang can tim .

Pé tim sb hang tong quat ciia mot diy sé khi nd duoc cho dudi dang truy hoi ta ¢ rt nhiéu
cach nhung thong thuong ta nén viét mot s6 s6 hang dau , rdi du doan cong thirc va ching
minh lai bang quy nap .

Xét tinh ting , giam va tinh bi chiin ciia diy s6 .

Phwong phdp : Dua theo dinh nghia :
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0 (u,)laday soting < u,,, >u, , Vne N

su,, —u>0,VneN

n+l

©M>1, (un>O,VneN*)
u

n

0 (u,)ladaysogiam <u,, <u,,VneN
c>un+1—un<O,VneN*

u,, .
<:>u—1<1, (un>O,VneN )

o (un)lédéysébjchafln <dm, MeR: m<u, <M, VneN".
4.  Chirng minh cic day sb 1a cap so
Phwong phdp : Dua theo dinh nghia ctia cap s6 cong va cap s6 nhan dé chimg minh

o CSC(u,)ou,, =u,+d <u,,-u,=d,VneN,(d: khong doi) .

o« CSN(u)ou, =u-q<-2l=g ¥YneN, (q:khong dbi).

n
5. Tim u,,d,q,S, cia c?lp )
Phuwong phdp : Dya vio cac cong thirc vé s6 hang tong quat , tong ctia n s hang dau tién ctia cAp
s6 cong hodc cip sb nhan dé suy ra két qua .
+ Néu (u,)la cap s6 cong thi :
o u =u+(n-0)d,vn=22,neN

n(u +u,) n[2u, +(n-1)d]
2 2 '

o S =utu,+..4tu, =
+Néu (u,)1a clp s6 nhén thi :
° unzul.q"_l,‘v’nZZ,neN*.
S =u, +u,+..+u, =nuy, khi g =1

o u,(1-¢q" .
S"=ul+uz+...+un=M khi g #1
I-¢q
6.  Cac bai toan ing dung tinh chit cia cip s6
Phwong phdp : Dua vao cac cong thirc vé tinh chat cac s6 hang cia cap s6 cong hodc cap sd nhan :

Uy T U,

e Néu (un)lécépsécéngthi:ukz ,(szz,keN*)

o Néu (u,)la cp sé nhan thi :u; =u,_u,,, , (‘v’k >2 ke N*).

III. BAITAP TU LUAN

Bai 1: Ching minh céc bat dang thirc sau :
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a) 2" >3n—1,Vn>8
b) u, =n* +3n” +5n chia hét cho 3, véi moi ne N’

¢) Chimng minh céc déng thirc sau dung véi moi ne N”:

n(n+1)(n+2)

1.2423+...+nn+1)= 3

Bai 2: Xét tinh tang , giam cta cac day sd (u,) biét :

y = 2—-n
n -1
&) u, = by ) u, =
3n-2 n+2
Bai 3: Xét tinh bj chin cia céc ddy s (u,) biét:
n’ +2n n _ 4n® +2n

a) u, = b) u, =

—_—— u,=—5——
Nn'+2n+n 2n"+n+l

Bai 4: Tim s6 hang téng quat cia day s6 (u, ) biét:

n+n+l

5
u =-1 =y
1
a) (u ): b) (u ;
) () {un+1=2un+1 ) () u,+1
Z'tn+1:
2
Bai 5. Tim s6 hang diu va cong sai ciia cap sb cong, biét:
u, +us—u, =10 u, +ug—u, =10 u, +u, =5
a) ; b) ; s
u, +us =17 u, +u, =26 u, +u; =25

Bai 6. Ching minh rang néu 3 s6 a , b , c lap thanh mot cap sd cong thi :
3(a2 +b° +cz)—6(a—b)2 =(a +b+c)2 .
Bai 7. Tim céc gia tri ciia m dé phuong trinh : x* -2 (m+2)x® +2m+3=0c6 4 nghiém phéan biét
1ap thanh mot cap so cong .
u, =2
u,, =u, +3n-2,(vn=1)
Xét day s6 (v,) biét: v, =u,, —u, , (Vn=>1)

a) Chung minh day so (v, ) 1a cap so cong , tim s6 hang dau va cong sai ctia no.

Bai 8. Cho day s (u,): {

b) Tim s6 hang tong quat ctia day so (u,)
Bai 9. Tim so hang dau va cong bdi cua cap s6 nhan, biét:
u, +u, +u, =21

) nrn =1 byi1 1 1 7 ,(¢>0)
a ; , >
ul +u; =50 —4—p—== ¢

- o A w=1,u,=2
Bai 10. Cho day s6 (u,): w =30, -2, (Vn>2)"
n+l T n =

n-1 >

Xétday sb (v,) biét: v, =u,, —u, ,(Vn21)
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a) Chirg minh day s (v,) 1a cép s6 nhan.

b) Tim sb hang tong quat cia diy sd (u,) -
IV. BAI TAP TRAC NGHIEM

. Ta c6 us bang:

Céau 1: Cho diy s6 (un) x4c dinh boi:
=2"u, véivnx1

A. 10 B. 1024 C. 2048 D. 4096

1
Céau 2: Cho day s6 (un) xac dinh boi: * 2 . Khi d6 uso bang:
u, =u, ,+2n véimoin=2
A.1274,5 B. 2548,5 C. 5096,5 D. 2550,5
u =-1

. . Khi d6 ui1 bang:
u,=2nu, , véimoinzx2

Céu 3: Cho diy sb (un) xac dinh boi: {

A. 210111 B.-210.11! C.2101110 D. 2101110
A ~ A 3n—-1 g~ A1 s - N %)
Ciu 4: Day so u, = la d@y so bi chan trén béi?
3n+1
1 1 A, 2 aA .
A. E B. 5 C.1 D. Tat ca déu sai

Cau 5: Trong cac ddy s6 (un) sau day, hiy chon day s6 giam:

2
A.un=sinn B.u,= Cown=+n-Vn-1  D.u=(-1)"(2"+1)
n

Cau 6: Trong cac day sd (un) sau day, hdy chon day s bi chin

A.un=n® +1 B.un=n+l

n
Coun=2+1 D.un= —
n+1
Cau 7: Cho diy s6 (un) v6i un = 3", Hay chon hé thirc dung:
+
A. %zus B. u22u4 =u,

u

-1
100 —
D. wu,..uy =u

C.l+u +u,+..+u, = 5 |

5050

Cau 8: Cho diy s6 (un), biét un = 3", S hang uzn- 1 bang:
A.323"-1 B.3n30-! C.3"-1 D. 32-D
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Cau 9: Cho day s6 u, = 22_71 .S % 1a s6 hang thtr bao nhiéu?

n”+1
A. 10 B.9 C.8 D. 11
=1 . . .
Cau 10: Cho day so ,, S0 hang tong quat cta ddy so trén 1a?
un+1 = un +(_1)
A u, =1+n B.u,=1-n C.u,=1+(-1)" D.u,=n
u =-2
Céu 11: Cho diy sb ) 1 . S6 hang tong quat ciia day sd trén 1a?
u, =—2——
n+l un
A. u’1=_n+1 B. un=n+1 C. un:_n+1 D.u, =- "
n n n n+l1

A  ju =1
Cau 12: Cho day so
u,,=u,+n

, - S0 hang tong quat cta day so trén 137

A :1+n(2n+é)(n+l) u, :1+(n—1)n6(2n+2)

(n—l)n(2n—1)

C.u =1+ D. Tat ca déu sai

n

Cau 13: Diy s6 nao sau day la diy ting:

2143 1

u, = U, = ———
" 3n+2 n+n+1

Ao, =(-1)""sinZ B.
n

u, =(=1"@3" +1)

.U, =5 . . .
Cau 14:Cho day so { : . S0 hang tong quat cua day so trén 1a?
Z’ln-ﬁ—l :un +n

-1 -1
A. un:(n )I’l B. un=5+(n )n

2 2

+1 +1)(n+2
C. u, =5+ 204D D, =5+ U 1+2)
2 2
Céu 15: Tinh tong S(n) =1.14224........... +2007.2007!. Khi d6 cong thirc cta S(n) la:
A. 2007! B. 2008! C. 2008!-1 D. 20071
u =3

Céu 16: Cho diy sb xac dinh bai cong thuc truy hoi: 1 . Tim cong thtc tinh sd

n+l

u,,=—u, vneN
2

hang tong quat u, cua day sd
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A.un:i B.u, = 31 C.u, = 3 D.u, = 3
2" 2" 2" —1 2" +1

Cau 17: Cho CSC ¢6 d=-2 va s, = 72, khi d6 s6 hang dau tién 14 sao nhiéu?
1 1

A.u, =16B.u, =-16 Couy=— D.u =——
16 16

Cau 18: Cho CSC ¢6 u, =—1,d =2,s, = 483. Hoi s6 cac s6 hang ctia CSC?
A. n=20 B. n=21C. n=22D. n=23

Céu 19: Xac dinh a dé 3 sb 1+3a,a> +5,1—a 1ap thanh CSC.

A.a=0 B.a=+l C.a=+2 D.Tét ca déu sai.
Cau 20: Cho a,b,c 1ap thanh CSC. Pang thirc nao sau day la dung?

A.a’ +c¢* =2ab+2bc B.a’ +c¢? =2ab—-2bc

C.a*-c* =2ab-2bc D.a’-c¢* =ab—bc

Cau 21: Cho CSC ¢6 u, =—12,u,, =18. Khi d6 s6 hang dau tién va cong sai la

A.u, =-20,d =3 B.y, =-22,d =3
C.u =-21,d=3 D.u, =-21,d =-3
Cau 22: Cho CSC ¢6 u, =—12,u,, =18. Khi d6 tong ctia 16 s6 hang dau tién CSC 1a?

A24 B. -24 C.26 D.-26
Cau 23: Cho CSC ¢6 u, = —15,u,, =60 . Téng clia 20 s6 hang dau tién cia CSC 1a?

A. 200 B. -200 C. 250 D. -25

Céu 24: Trong cac diy sb sau ddy diy s6 nao la CSC?

Ay =3" B.u, =(-3)" C.u, =3n+1 D.Tét ca déu 1a CSC
Ciau 25: Trong cac diy sb sau day day s6 ndo 1a CSC?

u =-1 u =-1
Al B.{ ' Cu,=n D.u, :(n+1)3

u,, =2u,+1 u,, =u,+1

Cau 26: Cho CSN ¢6 u, = %;us =16. Tim q va sb hang dau tién ctia CSN?

11 1 1 1 1
A.g=—;u =— B.g=——,u, =— C.g=4,u =— D.g=-4,u =——
1=5M=5 ="M= T=%M =16 1 " 16

Cau 27: Cho CSN ¢6 u, =—1,u, = 0,00001. Khi d6 q va s6 hang tong quat 1a?

1 -1 -1

A- :—,u e — B. :_,u :_10’171
107" T 10 100
-1 1 -1 (-1’
Cog=—ru,=— g=u, =00
10" T 10 107" T 0
Cau 28: Cho CSN ¢6 u, =-1;q =1_—(;. S6 10% 1a s6 hang thtr bao nhiéu?

A.sd hang thir 103 B. sb hang thtr 104 C.sd hang thtr 105  D. Dap an khac
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Ciau 29: Cho diy s6 _—l;ﬁ,ﬁ . Chon b dé ba s6 trén 1ap thanh CSN

2

Ab=-1 B.h=1 C.b=2 D. Bap an khac

Cau 30: Trong cac diy sb sau, ddy sé nao 1a CSN.

1

u =—

2 B.u
u_=u’

n+tl = %n

A.

n+l n

u, =2
nu C. Du . =u. -3
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PHAN II. HINH HQC

CHUONG 1: PHEP DOI HINH VA PHEP PONG DANG
I- TOM TAT KIEN THUC CO BAN CUA CHUONG.

BAI 1. PHEP TINH TIEN

1. Dinh nghia : Trong mit phing, cho véc to v(a;b). Phép tinh tién theo véc to v(a;b) 1a phép
bién hinh, bién mot diém M thanh mét diém M’ sao cho MM '=v. Ky hi¢u: T..

2.Cac tinh chit ciia phép tinh tién :

a/ Tinh chit 1:

*Pinh 1y 1: Néu phép tinh tién bién hai diém M,N thanh hai diém M’,N” thi MN=M"N".

b/ Tinh chat 2:

* Pinh ly 2: Phép tinh tién bién ba diém thang hang thanh ba diém thang hang va khong lam thay
d6i thir tu cua ba diém dob.

HE QUA :

Phép tinh tién bién duong thiang thanh duong thang, bién mot tia thanh maot tia, bién mot doan thing
thanh mot doan thang bang no, bién mdt tam giac thanh madt tam giac bang no, bién mdt dudng tron
thanh mot dudng tron c6 cung ban kinh, bién mot goc thanh mot goc bang no.

3. Biéu thirc toa dd ctia phép tinh tién

- Gia sir cho v(a;b) va mot diém M(x;y). Phép tinh tién theo véc to v bién diém M thanh diém M’
x'=x+a

y'=y+b

BAI 2. PHEP QUAY

1. Pinh nghia

thi M’ co toa do la : {

Cho diém O va gbc luong gidc a.. PBH bién diém O thanh chinh né, bién mdi diém M # O thanh
diem M’ sao cho OM' = OM va goc (OM; OM’) = o dgl phép quay tam O goc a.

Piém O: tam quay.

Goc a: goc quay.

Ki hiéu: Q0,w)-

Nhan xét:

e Chiéu quay duong 13 chiéu duong cua dudng tron luong giaC.
eVoikeZ,

— Q(o0.2kn) 12 phép dong nhét.

— Qo,(2k+1)m) 12 phép ddi xtng tam O.

2. Tinh chit

Tinh chét 1: Phép quay bao toan khoang cach gitra 2 diém bat ki.

Tinh chit 2: Phép quay bién dudng thing — dudng thing, doan thing — doan thing bang né, tam
gidc — tam giac bang no, duong tron — duong tron c6 cung ban kinh.
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e Nhin xét:
Gia st Qo,o)(d) = d’. Khi do:

» I
o néu O<o<—
2

v T
T—0o neuESOL<TC

3. Biéu thirc toa dd ciia phép quay c6 tam I(a;b) diém M(x;y) , diém M’(x’;y’) va goc quay 1a « :
Trong mit phang toa dd Oxy cho Qqu,«r) , v6i I(a; b). Khi d6 Qq,er) bién diém M (x; y) thanh
M’(x’;y’) xac dinh boi:
X'=a+(x—a)cosa —(y—b)sinx

{y': b+(x—a)sina+(y—b)cosa
BAI 3. PHEP DOI HINH
1. Pinh nghia: Phép doi hinh 13 PBH béo toan khoang cach giita hai diém bat ki.
Nhan xét:
— Céac phép T, D4, Do, Q.0 déu 1a nhitng phép doi hinh.
— PBH c¢6 duoc bang cach thyc hién lién tiép hai phép doi hinh 1a mot phép doi hinh.
2. Tinh chét
Phép doi hinh:
1) Bién 3 diém thing hang — 3 diém thing hang va bao toan thi tu giita cac diém.
2) Bién duodng thing — duong thing, tia — tia, doan thang — doan thing bang no.
3) Bién tam giac — tam giac bang né, goc — goc bang no.
4) Bién duong tron — dudng tron ¢ cung ban kinh.
Chu y:
a) Néu PDH bién AABC — AA'B'C’ thi né ciing bién trong tAm, truc tim, tim cac dudng tron ngoai

tlep, noi tlep cua AABC tuong ting thanh trong tam, truc tdm, tdm cac dudong tron ngoai tlep, noi
tiép cia AA'B'C’.

b) Phép doi hinh bién da giac n canh — da giac n canh, dinh — dinh, canh — canh.
BAI 4. PHEP VI TU

1. Dinh nghia

¢ Cho diém O va s6 k # 0. PBH bién mdi diém M thanh diém M’ : OM' = kOM dgl phép vi ty tim
0O, tiso k.

Ki hiéu: Vo).

O: tam vi tu, k: ti s6 vi tu.

Nhan xét:

1) Vox: O —» 0O

2) Khi k =1 thi V(o,1) 1a phép dong nhét.

3) Khi k=-1 thi V(o,-1) = Po
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HVowM)=M' <V | M)=M
0-)
k

2. Tinh chét

Tinh chat 1:

Vo MM _IM'N'=kMN
Ni>N' |M'N' =kl MN

Tinh chit 2: Phép Vox:

a) Bién 3 diém thing hang ~ — 3 diém thang hang va bao toan thi tu giita cac diém.

b) Bién dt — dt song song hodc tring vdi no, tia — tia, doan théng — doan
thang.
¢) Bién tam giac —» tam giac ddng dang véi nd, bién goc — goc bang no.

d) Bién dudng tron ban kinh R — dudng tron ban kinh /k/R
3. Biéu thirc toa d9 ciia phép vi tur

Str dung dinh nghia va cac tinh chét cua phép vi tu . Tu dinh nghia néu tam vi tu 1a I(a;b) , diém
M(x;y) diém M’(x’;y’) thita co :

. x'-a=k(x—a) x'=k(x—a)+a
S IM'=kIM & ' =1 (*).
y—bzk(y—b) y zk(y—b)+b
Chinh 14 biéu thirc toa d6 cua phép vi tu tam I ti sdvitulak.

BAI 5. PHEP PONG DANG
1. Pinh nghia

PBH F dgl phép ddong dang ti s6 k (k>0) néu véi hai diém M, N bat ki c6 anh M’, N’ thi M'N’ =
kMN.

Nhén xét:

1) PDH 1a PPD ti s6 1.

2) Phép vi tu ti s6 k 1a phép ddng dang ti s /k/.

3) Néu thyc hién lién tiép PDD ti s6 k va PPD ti s6 p ta dugc PPD ti s6 pk.

2. Tinh chit

Phép dong dang ti s k:

a) Bién ba diém thang hang thanh ba diém thang hang va bao toan thir tu giita cac diém.
b) Bién dt — dt, tia — tia, doan thing — doan thang.

¢) Bién tam giac — tam giac ddng dang v6i nd, goc — goc bang no.

d) Bién duong tron ban kinh R — dudng tron ban kinh kR.

Chu y:

a) Néu mot PPD bién AABC thanh AA'B'C’ thi ciing bién trong tAm, truc tim, tdm cac duong tron

noi tlep, ngoai tiép ciia AABC tuong tmg thanh trong tim, truc tAm, tim cac dudng tron noi tiép,
ngoai tiép cia AA'B'C’.

b) PBD bién da giac n canh — da giac n canh, bién dinh — dinh, canh — canh.

3. Hinh ddng dang
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Hai hinh dgl dong dang v&i nhau néu c¢6 mot PPD bién hinh nay thanh hinh kia.
II - DANG TOAN THUONG GAP VA PHUONG PHAP GIAI

Xac dinh anh cia diém, dwong thang, dwong tron,.... qua phép tinh tién, phép
quay, phép doi hinh, phép vi tu, phép d(‘A)ng dang.

*) Phwong phap giai:

- Sir dung dinh nghia, tich chit.

- Sir dung biéu thirc toa dd.

III - BAI TAP TU LUAN

Bai 1. Trong mit phang hé toa do Oxy cho diém A(- 6; - 3), B( 4; - 5) va diém C thay doi trén
duong tron (T) : x? + y? +2x — 4y —11 = 0. Dudng thang d di qua 2 diém A va B.

1) Viét phuong trinh dudng thang d” va phuong trinh duong tron (7;)1a anh cta duong thing d va

duong tron (T) qua
a) Phép tinh tién theo vec to ¥ =(-2;5).
b) Phép quay tdm O, goc quay 90°.
¢) Phép vi tu tam I(-1; -4), ti sb kzé .
2) Tim phép tinh tién bién (T) thanh (T'): (x — 10)? + (y + 5)* =16.
3) Tim quy tich trong tdm G cua A ABC. i
Bai 2. Trong mat phang hé toa d0 Oxy cho duong thang (d): x+ 2y — 3 = 0 va duong tron
(C):x*+y*=2x-2y-7=0. Tim anh cua d, (C) qua:
1. Phép tinh tién theo vec to ¥ =(2;3)
2. Phép quay tim O, goc quay 90°.
1

3. Phép vi ty tam O, ti s6 k = 5

4. Phép vi tw tim I(2; -1), tisO k=-3 7
Bai 3. Trong mdt phang, h¢ toa d6 Oxy, cho duong thang A: x+ 2y +5=0. Tim anh cua duong

thang A qua phép dong dang c6 duge bang cach thyuc hién lién tiép phép vi tu tim O ti s6 k = %
va phép quay tdm O gbc quay %
Bai 4. Trong mat phéng, hé toa d6 Oxy, cho tam giac ABC, biét A(2; 2) va M 1a diém thoa min

3CM = 2CA + EB;N 1a diém thudc canh AC sao cho NC = 24AN. Pudng tron ngoai tiép tam giac
AMN c¢6 phuong trinh x*> + y* —4x + 2y — 4 = 0. Hiy viét phuong trinh dudng tron ngoai tiép
AABC.

IV - CAU HOI TRAC NGHIEM
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Cau 1: Cho tam giac 4ABC c6 D,E, F lan luot 1a trung diém A

AC, CB, BA. Khi d6 phép tinh tién theo vec to DF bién diém

E thanh diém: . ;
A. B. B. C.

C. D. D. F. _/

B E C

Cau 2: Trong hé truc toa dd Oxy, cho vécto ¥ = (2;1) va diém M (3;2). Tim toa d6 anh cia diém
M qua phép tinh tién theo vécto ¥ ?

A. (—5;—3). B. (5;—3). C. (5;3). D. (—5;3).

Cau 3: Trong hé truc toa dd Oxy, cho vécto ¥ = (2;3)va diém M '(4;2). Tim toa do diém M biét
M'1a anh ciia M qua phép tinh tién theo vécto 7 ?

A. (2:1). B. (-2;1). C. (6:5). D. (2;-1).

Cau 4: Cho luc giac déu ABCDEF tdm O (nhu hinh v&). Tim anh cua A B

tam giac AOF qua phép quay tAm O goc quay 120° ?

A. Tam giac AOB.

B. Tam giac FOD. F ¢
C. Tam gidc BOC. \A/
D. Tam giac DOC.

E D

Cau 5: Cho hinh binh hanh 4BCD tam O, phép quay Q(O;,.goo)bién dudng thang 4D thanh dudng
thang:

A. CD. B. 4C. C. BA. D. BC.

] (M). Khi d6 biéu

Céu 6: Trong hé truc toa do Oxy, cho diém M(x3y),M'(x;) )va M’ = Q[
2

thirc nao sau day dung?

A. {x!z—y; B. {x,:_y; C{)f - ; D. {x,:y;
y=-x y =X y=—x y=x
Cau 7: Cho AB=-3AC. Khing dinh nao sau day la ding?
AV, ,(C)=B. B. V., (B)=C. C. 7, 5(B)=C. D. ¥ ,;(C)=B.
Cau8: Cho 4B =2017 va A' =V, (4);B' =V, (B). Khido d dai 4'B" bang
A. 2017. B. &217. C. 4034. D. 2017+/2.

Céu 9: Trong hé truc toa dd Oxy, cho diém M (4;-2). Tim toa d¢ anh cla diém M qua phép vi tur
tAm O tisd k=-27?
A.(—4;—8). B.(—& 4). C.(4;8). D. (4;—8).
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Ciu 10: Cho hinh chit nhat 4BCD, tam O;/ la trung diém AD. A
Khi d6 phép vi tw tim 4, ti s6 k = 2 bién tam gidc 40! thanh
tam gidc

A. AACD.

B. AACB.

C. AoDcC.

D. AOID. P g

Cau 11: Trong mit phing Oxy cho diém A(2; 5). Phép tinh tién theo vecto v= (1; 2) bién A thanh
diém co toa 3o la:

A.(3; 1) B. (1; 6) C.(3;7) D. (4;7)
Cau 12: Trong mit phiang Oxy cho diém A(2; 5). Hoi A 1a anh cua diém nao trong cac diém sau
qua phép tinh tién theo vecto v=(1; 2)?

A.(3;1) B. (1;6) C.47) D. (2;4)

Cau13: Cho P, Q c¢b dinh. Phép tinh tién T bién diém M bét ky thanh M2 sao cho MM, =2PQ .

A. T chinh 1a phép tinh tién theo vecto PQ.  B. T chinh 1a phép tinh tién theo vecto MM, .

C. T chinh 1a phép tinh tién theo vecto 2 P—Q D. T chinh 13 phép tinh tién theo vecto %FQ .

Cau 14: Cho phép tinh tién 7. bién diém M thanh Miva phép tinh tién 7. bién Mi thanh Ma.
A. Phép tinh tién T bién M thanh Mo.
B. Mot phép d6i ximg truc bién M thanh M
C. Khong thé khing dinh dwoc c6 hay khéng mot phép doi hinh bién M thanh Ma
D. Phép tinh tién T. - bién M thanh M.

Ciu15: Cho phép tinh tién vecto v bién A thanh A’ va M thanh M”. Khi do:

A AM =—A'M" B. AM =24'M" C. AM = A'M’ D. 34M =24'M’
Cau 16: Trong mit phang Oxy, cho v = (a; b). Gia sir phép tinh tién theo v bién diém M(x; y)
thanh M’(x’;y’). Ta c6 biéu thtrc toa do cua phép tinh tién theo vecto v 1a:

x'=x+a x=x"+a x-b=x-a x+b=x+a
A. B. C. D.
y'=y+b y=y+b y—-a=y->b y+a=y+b

Cau 17: Trong mit phang Oxy, anh ciia duong tron: (x —2)2 + (y — 1) = 16 qua phép tinh tién
theo vecto v=(1;3) la duong tron c6 phuong trinh:

A.(x-2? +(y-1)2=16 B.(x+2)?+(y+1)>=16

C.(x-3) +(y—4)3=16 D.(x+3)+(y +4)?*=16
Cau18: Cho phép tinh tién theo v=0, phép tinh tién T: bién hai diém M va N thanh 2 diém M/
va N/ khi do:

A. Piém M tring véi diém N B. Vecto MN 14 vecto 0

C. Vecto MM’ = NN’ =0 D. MM’ =0
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Céiu 19: Trong mat phéng voi hé truc toa 6 Oxy. Cho phép tinh tién theo v (1; 1), phép tinh tién
theo v bién A: x — 1 = 0 thanh duong thing A’. Khi d6 phuong trinh ctia A’ 1a:

A.x—-1=0 B.x-2=0 C.x-y-2=0 D.y-2=0
Céu 20: Phep quay Q; ¢) bién diém M thanh M’. Khi dé:

A. OM =OM' va (OM,0OM’) = ¢ B. OM =0OM’ va (OM,0OM’) = ¢

C. OM =OM' vaMOM’ = ¢ D. OM = OM’ va MOM’ = ¢

Cau21: Trong mit phing Oxy cho diém A(3;0). Tim toa do anh A’ cua diém A qua phép quay
Q .

(0;5)

A. A’(0; -3); B. A’(0; 3); C. A’(=3; 0); D. A’(2+/3;24/3).
Cau22: Trong mit phang Oxy cho diém A(3;0). Tim toa do 4nh A’ cta diém A qua phép quay

(0:-2)
A. A’(=3;0); B. A’(3; 0);
C. A°(0; -3); D.A’(-2+/3;24/3).
Cau 23: Cho tam gidc déu ABC hiy xé4c dinh goc quay ciia phép quay tdm A bién B thanh diém C:
A. =30’ B. ¢ =90°
C. p=-120° D.p=-60"hoic ¢ =60°

Cau 24: Trong mit phing Oxy cho diém M(-2; 4). Phép vi tr tim O ti s6 k = —2 bién diém M
thanh diém nao trong cac diém sau?
A. (-3;4) B. (4;-8) C.(4;-8) D. (4; 8)

Céau 25: Trong mat phing Oxy cho duong thang d c6 phuong trinh 2x +y —3 = 0. Phép vi ty tim
O ti s k =2 bién d thanh duong thing nio trong cac dudng thing c6 phuong trinh sau?
A.2x+y+3=0 B.2x+y—-6=0 C.4x-2y-3=0 D.4x+2y-5=0

Cau 26: Trong mat phfipg Oxy cho duong tron (C) c6 phuong trinh (x — 1)> + (y — 2)? = 4. Phép vi
tu tdm O ti s0 k =— 2 bién (C) thanh dudng tron nao trong cac duong tron c6 phuong trinh sau?

A x=2P+(y-4)?*=16 B.(x-4)7?+(y-2)>=4
C.x—4)+(y—-2)*=16 D.(x+2)+(y+4)?=16
Cau 27: Phép vi ty tam O ti s6 k (k # 0) bién mdi diém M thanh diém M’ sao cho:
A. OM = %OM' B. OM = kOM' C. OM =—kOM' D. OM'=-OM
Cau28: Néu phép vi tur ti s6 k bién hai diém M, N 14n luot thanh hai diém M’va N’ thi:
A. M'N'=kMN va M’N’ = —-kMN B. M'N'=kMN va M’N’ = [KMN
C. M'N' = |k|MN va M'N’ = kMN D. M'N'// MN va M’'N’ = %MN

Céau 29: Cho tam giac ABC voi trong tam G. Goi A’, B’, C’ 1an luot 12 trung diém cua cac canh
BC, AC, AB cua tam giac ABC. Khi d6 phep vi tu nao bién tam giac A’B’C’ thanh tam giac ABC?
A. Phép vi tu tam G, ti s0 2. B. Phép vi tu tdm G, ti s0 —2.
C. Phép vi tu tam G, ti s6 3. D. Phép vi ty tam G, ti s6 3.
g l— : . 2 .
Ciu 30: Cho hinh thang ABCD, vé6i CD = —EAB. Goi I 1a giao diém cua hai duong chéo AC va

BD. Goi V 1a phép vi tu bién AB thanhCD. Trong cac ménh dé sau day ménh dé nao dung:
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, . 1 . i 1
A. V la phép vi ty tdm I ti Sék:_E B. V 1a phép vi ty tam I ti sok=5

C. V1a phép vi tu tam I ti s6 k =2 D.Vlaphépvitytim I tisé k=2
Cau 31: Cho tam giac ABC, v6i G la trong tdm tam giac, D 1a trung diém ciia BC. Goi V 1a phép
vi tu tdm G bién dién A thanh diém D. Khi d6 V ¢6 ti so k 1a:
3 3 1 1

A k=— B.k=—— C.k=— D.k=——
2 2 2 2

Cau 32: Trong mit phing véi hé truc toa dd Oxy. Cho hai diém M(4; 6) va M/(=3; 5). Phép vi tu
tam I tisO k= 5 bién diém M thanh M. Khi d6 toa do diém I 1a:

A. 1(~4; 10) B.1(11; 1) C.1(1; 11) D. I(-10; 4)
Cau 33: Trong mit phang véi hé truc toa do Oxy. Cho hai diém A(1;2), B(=3; 4) va I(1; 1). Phép
vitu tam I ti s6 k = —% bién diém A thanh A/, bién diém B thanh B’. Trong cic ménh dé sau ménh
dé nao dung:
A. W:(i,gj B. W:(—iﬁ}
33 33
‘A/B" V203 D. A(l;—%}B/G;oj

Céau 34: Trong mit phang véi hé truc toa dd Oxy. Cho hai duong tron (©)va (C/) trong d6 (C') co
phuong trinh:(x+2)2 +(y+1)2 = 9. Goi V 1a phép vi tu tdm I(1; 0) ti s6 k = 3 bién dudng tron (C)
thanh (C’). Khi d6 phuong trinh cua (C) la:

2 2 2
A. (x—%) +y’=1 B. X2+[y—§j =9 C. XZ"'[Y"‘%) =1 D.x*+y?=1

Cau 35: Trong mit phiang Oxy cho duong tron (C) c6 phuong trinh (x — 2)? + (y — 2)? = 4. Phép
dong dang c6 dugc bang cach thuc hién lién tiép phép vi tu tam O ti s6 k = % va phép quay tam O
gdc 90° s& bién (C) thanh duong tron nao trong cac duong tron sau?
A.(x-2)P+(y-2) =1 B.x-1)+(y-1)2=1
C.(x+2P+(y-12=1 D.(x+1)?+(y-1>=1

Cau 36: Trong mit phiang voi hé truc toa dd Oxy cho A(-2; —3), B(4; 1). phép ddng dang ti s6 k =
1., .. L
Ebién diém A thanh A/, bién diém B thanh B’. Khi d6 d6 dai A’B’ 1a:
\52 /50
B. +/52 D. V50

A —— C.—
2 2

Cau 37: Trong mit phiang voi hé truc toa do Oxy, cho duong tron (C) tam I(3; 2), ban kinh R = 2.
Goi (C') 1a anh cua (C) qua phép dong dang ti s6 k = 3. khi d0 trong cac ménh dé sau ménh dé nao
sai:

A. (C)) c6 phuong trinh (x — 3)> + (y — 2)>* = 36 B. (C/) ¢6 phuong trinh x>+ y> — 2y — 35=0
C. (C)) ¢6 phuong trinh x>+ y?> + 2x —36=0 D. (C/) ¢6 ban kinh bang 6.
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CHUONG 2: PUONG THANG VA MAT PHANG TRONG KHONG GIAN.
QUAN HE SONG SONG.

I- TOM TAT KIEN THUC CO BAN CUA CHUONG.
§1: PAI CUONG VE PUONG THANG VA MAT PHANG
1. M¢ ddu vé hinh hoc khong gian
2. Cdc tinh chit thiva nhdn ciia hinh hoc khéng gian:
Mt 56 qui tic vé hinh biéu dién ciia hinh khong gian
e Hinh biéu dién cua dudng thing 1a dudng thing, ciia doan théng 1a doan thang.
e Hinh b1eu dién cua hai duorng thang song song 14 hai duong thang song song, ctia hai duong
thang cit nhau 1a hai dudng thang cit nhau.
e Hinh biéu dién phal gitr nguyen quan hé thude glu’a diém va dudng thang.
e Duong nhin thdy v& nét 1ién, dudng bi che khuit v& nét durt.
3. Diéu kign xdc dinh mat phing:
e Ba diém khong thang hang thudc mat phang. (mp(ABC) (ABC))
e Mot diém va mot duo*ng thang khong di qua diém d6 thudc mat phang. (mp(4,d))
e Hai duong thing cit nhau thudc mat phang. (mp(a, b))
4. Hinh chop va hinh tir dién
§2: HAI PUONG THANG SONG SONG
1. Vi tri twong déi giita hai dwong thing phén bigt
2. Hai dwong thing song song
a. Dinh nghia

a,b < (P) 2 /
a//ba{mb:@ /4//
b. Tinh chit
o Néu ba mdt phang phdn biét cat nhau tirng déi mét theo ba giao tuyén phén biét thi ba giao
tuyén dy hodc dong qui hodc doi mét song song.
e Néu hai mdt phang cat nhau lan leot di qua hai dwong thang song song thi giao tuyén ciia
chung song song véi hai dwong thang dé hodc triing véi mét trong hai dwong thang do.
e Hai duong thing phan bi¢t cung song song voi duong thang thir ba thi song song voi nhau.
§3: PUONG THANG SONG SONG VOI MAT PHANG
1. Vi tri twong déi giiva dwong thang va mdt phing:
2. Dinh nghia: d // (P) <d N (P) = &
3. Tinh chit
e Néu dwong thang d khéng nam trén mdt phang (P) va d song song véi dwong thang d’ nam
trong (P) thi d song song voi (P).
o Neu dwong thang d song song voi mat phdang (P) thi moi mat phang (Q) chita d ma cat (P)
thi cdt theo giao tuyen song song Voi d.
e Néu hai mdt phang cdt nhau cing song song véi mot dwong thang thi giao tuyén cia ching
ciing song song vdi dirong thang do.
e Néu hai dwong thang a va b chéo nhau thi ¢é duy nhdt mét mét phang chita a va song song
voi b.

§4: HAI MAT PHANG SONG SONG
1. Dinh nghia
(P)/7(Q) =(@P) N (Q) =
2. Tinh chat
e Néu mat phang (P) chira hai dwong thang a, b cdt nhau va cing song song véi mdt phang
(Q) thi (P) song song voi (Q).
o Néu duwong thang d song song véi mp(P) thi c6 duy nhat mét mp(Q) chira d va song song véi

(P).
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e Hai mat phangphan biét ciing song song véi mdt phang thir ba thi song song voi nhau
e Cho mét diém A & (P). khi @6 moi dwong thang di qua A va song song véi (P) déu nam trong
mot mp(Q) di qua A va song song voi (P).
e Néu mot mdt phang cdt mot trong hai mdt phdang song song thi ciing cat mat phang kia va
cdc giao tuyén cua chung song song voi nhau.
e Hai mdt phang song song chdn trén hai cdt tuyén song song nhitng doan thang bang nhau.
e Dinh li Thales: Ba mdt phang doi mét song song chdn trén hai cdt tuyén bat ki nhiing doan
thang twong tng ti Ié.
e Dinh li Thales dio: Gia sit trén hai dwong thang d va d’lan lwot ldy cdc diém A, B, Cva A’,
B’ C’sao cho:

AB BC CA

AVBIZBVCV:CVAV '
Khi dé, ba dwong thang AA’, BB, CC’lan lwot nam trén ba mdt phang song song, tirc la chiing
cung song voi mot mgt phang.

I - TOM TAT MOQT SO DANG TOAN THUONG GAP VA PHUONG PHAP GIAI
Dang 1: Xac dinh giao tuyén ctia hai mat phing
Phuong phap giai: e Tim hai diém chung phan biét ctia hai mat phing
e Duong thang di qua hai diém chung 4y 14 giao tuyén can tim
Dang 2: Xac dinh giao diém ctia duong thang a va mit phang (o)
Phuong phap giai: e Tim dudng thing b nim trong mit phiang ()
e Giao diémcia a vabla giao dt a va mat phang (@)
Chuy : Duong thang b thuong 1a giao tuyen ciia mp (o) va mp B)oa
Can chon mp (B) chira duong thing a sao cho giao tuyén cua
mp (o) va mp (B3) dé xéc dinh va giao tuyén khong song song v&i duong thing a
Dang 3: Chimg minh ba diém thiang hang
Phwong phdp : ¢ Ching minh ba diém d6 cing thudc hai mp phéan biét
e Khi d6 ba diém thudc dudng thing giao tuyén cua hai mp
Dang 4: Chimg minh 3 duong thang dong quy
Phuong phap:
> Cach 1: Chimg minh 3 duong thang nay khong dong phang va cit nhau doi mot
» Cach 2: Chung minh hai trong 3 dudng thang nay cat nhau va giao diém cua ching thudc
duong thang thir 3.
Dang 5: Thiét dién ctia hinh chop cit boi mit phing
Phuong phap :
> Cach 1: Xéc dinh thiét dién bang cach kéo dai cac giao tuyén
Céch 2: Xac dinh thiét dién bang cach v& giao tuyén phu
Dang 6 : Chimg minh hai dudng thing a va b song song :
St dung mot trong cac cdach sau :
e Chimg minh a vab dong phing va khong c6 diém chung
e Chimng minh a va b phén biét va cliing song song v&i duong thang thir ba
e Chung minh avab dong phing va ap dung cac tinh chit cta hinh hoc phing (canh dbi
cua hinh
binh hanh , dinh ly talet ... )
e Su dung céc dinh ly
¢ Chimg minh bang phan chiing
Dang 7 : Ching minh duong thang a song song mit phang (P) :
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dza
Phuwong phdap : Ching minh <d//a = d/la
aca

Dang 8 : Chiing minh (o) // (B) : St dung cac cach sau :

ac(a),bc(a)
- sanb=M = () /I(P)
all(B),b//(B)

ac(a),bc(a)

anb=M

- yec@Bhdc(p) = (/P
cnd=N

alle,blld

() /[(F)

) {(a)//(y)
(B)/I(7)

III - BAI TAP TU LUAN
Bai 1: Cho hinh chép S.ABCD. Diém M va N 1an lugt thudc cac canh BC va SD.

a/ Tim [= BN n (SAC).

b/ Tim J= MN N (SAC).

¢/ Chimg minh I, J, C thang hang

d/ Xac dinh thiét dién cta hinh choép vdi (BCN)

Bai 2: Cho tr dién ABCD. Goi E va F lan kuot la trung diém cta AD va CD va G trén doan AB
sao cho GA=2GB.

a/ Tim M = GE nmp(BCD),

b/ Tim H = BC N (EFG). Suy ra thiét dién ctia (EFG) véi tir dién ABCD. Thiét dién 13 hinh gi ?

¢/ Tim (DGH) n (ABC).

Bai 3: Cho hinh chép SABCD. Gogi O = ACnBD. Mot mp(a) cat SA, SB, SC, SD tai A’, B’, C’,
D’.Giast ABNC'D=E,A’B°"nC’D’=E’.

a/ Ching minh: S, E, E’ thang hang

b/ Chimg minh A’C’, B’D’, SO dong qui

Bai 4: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh.

a/ Tim (SAC) n (SBD); (SA B) n(SCD), (S BC) n(SAD).

b/ Mot mp(a) qua CD, cit SA va SB tai E va F. T giac CDEF 14 hinh gi? Ching t6 giao diém cia

DE va CF luén luén ¢ trén 1 dudng thang ¢ dinh.

Pé cwong 6n thi HK1 Toan 11 — Trang 34



TRUONG THPT YEN DUNG SO 3 TO: TOAN - TIN
¢/ Goi M, N 1a trung diém SD va BC. K 1a diém trén doan SA sao cho KS = 2KA. Hiy tim thiét
dién cta hinh chop SABCD vé mp (MNK)

Bai 5: Cho hinh chép S.ABCD c6 day ABCD la hinh thang (AB // CD; AB > CD). Goi M, N lan
luot 1a trung diém céc canh SA, SB.

a/ Chimg minh: MN // CD

b/ Tim P =SC n (ADN)

¢/ Kéo dai AN va DP cit nhau & 1. Chimg minh: SI // AB // CD. Tw gidc SABI 1 hinh gi?

Bai 6: Cho ttr dién ABCD. Goi M, N lan luot 1 trung diém cua BC, CD.

a/ Chtrng minh rang MN // (ABD)

b/ Goi G va G’ lan luot 1 trong tim A ABC va A ACD . Chimg minh rang GG’ // (BCD)

Bai 7: Cho hinh chép S.ABCD, day la hinh thang ABCD véi AB // CD,va AB =2CD

a/ Tim (SAD) n (SCD).

b/ M 1a trung diém SA, tim (MBC) N (SAD) va (SCD)

¢/ Mot mit phang (a) di dong qua AB, cit SC va SD tai H va K. Tt gisc A BHK 14 hinh gi?

d/ Chirg minh giao diém ctia BK va AH luén nam trén 1 duong thang cb dinh.

Bai 8: Cho hinh chép SABCD. Goi M, N, P 1an luot 14 trung diém cua SA, SD, BD

a/ Chimng minh AD // (MNP)

b/ NP // (SBC)

¢/ Tim thiét dién ciia (MNP) v6i hinh chép. Thiét dién 1a hinh gi?

Bai 9: Cho hinh binh hanh ABCD va ABEF nam trén hai nira mit phéng khac nhau. Goi M, N lan
luot 1a trung diém cua AD, BC. Céc diém L, J, K theo thu tu 1a trong tam cac tam giac ADF,
ADC, BCE. Chting minh: (IJK) // (CDEF)

Bai 10: Cho lang try tam giac ABC.A'B'C". Goi I, K, G lan lugt 13 trong tdm cac tam gidc ABC,
A'B'C' va ACC'. Chimg minh rang: (IKG) / (BB'C'C) va (A'GK) // (AIB).

Bai 11: Cho hinh chop S.ABCD c6 day ABCD 1a mot tir giac 16i. Goi M, N lan luot 1a trung diém
ctia SA va SC. Mit phang (a) qua M va song song véi (SBD). Mit phang ( p ) qua N va song
song voi (SBD).

a/ Xac dinh thiét dién cua hinh chop 1an luot cit boi 2 mit phing (a) va ( p ) .

b/ Goi I va J 1an luot 1a giao diém ctua AC véi hai mat phang noi trén. Chimg minh: AC = 21J.

Bai 12: Cho lang tru tam giac

a/ Chting minh: B'C // (AHC")

b/ Tim giao tuyén d ciia hai mat phang (AB'C") va (A'BC). Chimg minh: d / (BB'C'C).

¢/ Xac dinh thiét dién cua lang try cit boi mat phang (H; d)
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Bai 13: Cho hinh hgp ABCD.A'B'C'D'. Léy hai diém M, N 1an luot ndm trén hai canh AD va CC'

AM CN
sao cho —— =

AD cC'
a/ Ching minh: MN // (AB'C")
b/ Xac dinh thiét dién ctia hinh hop cit boi mit phang (a) qua MN va song song véi (AB'C').
IV. BAI TAP TRAC NGHIEM

Cau 1. Cho mp() va duong thang d & (@) Khiang dinh ndo sau déy sai ?
A. Néu d // (@) thi trong () ton tai dudng thang a sao choa // d
B.Néud// (a)vabc (a)thid// b
C.Néud// cc(a)thid// (a)
D.Néud N (a)=Avad' c (a)thidvad’ hodc cit nhau hodc chéo nhau.

Céu 2. Cho dudng thing a — mp(«) va dudng thiang b  mp(f). Ménh dé nao sau day sai?

A ()l (f)=allb B.(a)// (f)=all (P
C.(o)/l (B =bll () D. a va b hoac song song hoic chéo
nhau.

Céu 3. Cho tir dién 4BCD va M 1a diém & trén canh AC. Mp(a) qua M va song song véi AB. Thiét

dién cua tir dién cét boi mp(a) 1a:

A. Hinh binh hanh B. Hinh chir nhat C. Hinh thang D. Hinh thoi
Cau 4. Cac ménh dé sau, ménh ‘dé nao dgng? i

A. Hai duong thang lan lugt nam trén hai mat phang phan biét thi chéo nhau

B. Hai duong thang khong c¢6 diém chung thi chéo nhau

C. Hai dudng thing chéo nhau thi khong c6 diém chung

D. Hai duong thang phan biét khong song song thi chéo nhau
Cau 5. Cho hinh chop S.ABCD vo6i day ABCD la tir giac 16i. Thiét dién cua mp(e) tuy y véi hinh

chop khong thé la:

A. Luc giac B. Ngii giac C. Tu giac D. Tam giac
Céu 6. Cho hinh hop 4BCD.A'B'C'D'. Khang dinh nao sau dy sai?

A. AB'C'D va BCD'A'’ 14 hai hinh binh hanh c¢6 chung mot duong trung binh

B. BD' va B'C’ chéo nhau

C. A'Cva DD’ chéo nhau

D. DC' va AB' chéo nhau

Céu 7. Cho hinh chop S.ABCD co ddy ABCD la hinh binh hanh va diém M & trén canh SB.
Mp(4DM) cat hinh chop theo thiét dién 14 hinh:
A. Tam giac B. Hinh thang C. Hinh binh hanh D. Hinh chir
nhét

Céu 8. Cho tir dién ABCD va diém M & trén canh BC. Mp(«) qua M song song véi AB va CD. Thiét
dién cua (@) voéi tir dién 1a : i
A. Hinh thang B. Hinh binh hanh C. Hinh chit nhat D. Tt giac 161

Céu 9. Cho hinh chop S.ABCD c6 ddy ABCD la hinh thang, AD // BC, AD = 2BC. M 1a trung diém
SA. Mp(MBC) cat hinh chop theo thiét dién la:
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

A. Tam giac MBC B. Hinh binh hanh C. Hinh thang vuéng D. Hinh chit
nhat

Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh chir nhat tim O. M 1a trung diém cua OC,
mp(a) qua M song song véi SA va BD. Thiét dién ctia hinh chop véi mp(a) 1a:
A. Hinh tam giac B. Hinh binh hanh C. Hinh chir nhat D. Hinh ngi
giac

Cho ttr dién ABCD ¢6 AB = CD. Mp(«) qua trung diém cua AC va song song v6i AB, CD
cat ABCD theo thiét dién la:
A. Hinh tam giac B. Hinh vuong C. Hinh thoi D. Hinh chit
nhat

Cho hinh hop ABCD.A'B'C'D'. Mp(4B'D") song song voi mat phang nao trong cac mat
phang sau day?
A. (BCA4") B. (BC'D) C.(4'C'O) D. (BDA")

Cho hinh hop ABCD.A'B'C'D'. Goi M 1a trung diém ctua AB. Mp(MA'C’) cét hinh hop
ABCD.A'B'C'D' theo thiét dién 13 hinh gi?
A. Hinh binh hanh B. Hinh chit nhéat C. Hinh thoi D. Hinh thang

Cho hinh chop S.ABCD ¢6 ddy ABCD 1a hinh binh hanh tam O, 7 1a trung diém canh SC.
Khang dinh nao sau day sai?
A. 10 // mp(SAB)
B. 10 // mp(SAD)
C. Mp(IBD) cit S.ABCD theo thiét dién 1a mot tir gic
D. (IBD)N(SAC) =10

Cho tir dién ABCD. O 1a mot diém bén trong tam giac BCD. M 1a mot diém trén AO. I, J 1a
hai diém trén BC, BD. 1J cat CD tai K, BO cit IJ tai E va cit CD tai H, ME cit AH tai F.
Giao tuyén ctia hai mat phang (ML) va (ACD) la:

A. KM B. AK C.MF D. KF

Cho dudng thing a nam trén mp (@) va dudng thiang b nam trén mp (). Biét (@) // ().
Tim cau sai:
A.all (p) B.b// (@)
C.allb D. Néu c6 mot mp () chira a va b thia //
B.
Cho tir dién ABCD. Goi G1 va G- lan luot 13 trong tAm cac tam giac BCD va ACD.
Chon cau sai :
A. GiG2//(ABD) B. GiG2//(ABCO)
C. BG1, AG> va CD ddng qui D. Gle=§AB

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh tim O. Ly diém / trén doan SO
sao cho 5—(1) = % , BI cat SD tai M va DI cat SB tai N. MNBD 1a hinh gi ?

A. Hinh thang B. Hinh binh hanh
C. Hinh chir nhat D. Tt dién vi MN va BD chéo nhau.
Cho tir dién ABCD. M, N, P, O lan luot 13 trung diém AC, BC, BD, AD. Tim diéu kién dé
MNPQ la hinh thoi:
A.AB=BC B.BC=4D C.AC=BD D.AB=CD
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Mp (&) qua BD va song song voi
S4, mp (e) cat SC tai K. Chon khing dinh dung :
A.SK=2KC B.SK=3 KC C.SK=KC D.SK=%KC.

Cho hinh chép S.ABCD c6 day ABCD la hinh thang day 16n 1a AB. Diém M la trung diém
CD. Mp (&) qua M va song song v6i BC va SA, mp () cét AB tai N va cét SB tai P.
No6i gi vé thiét dién ctia mp () va S.ABCD ?
A. 1a mot hinh binh hanh B. 1a mot hinh thang c6 day 16n 1a MN
C. la tam gidc MNP D. 1a mot hinh thang c¢6 day nhé la NP

Cho hinh chép S.ABCD, AC N BD = M, AB n CD = N. Giao tuyén cia hai mat phang
(SAC) va (SBD) 1a duong thang :
A. SN B. SC C.SB D. SM.

Cho hinh chép S.ABCD, AC N BD = M, AB n CD = N. Giao tuyén cua hai mat phing
(S4AB) va (SCD) 1a duong thang :
A. SN B. 54 C. MN D. SM.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi 4, B, C', D' 1an luot 13 trung diém
cia SA4, SB, SC, SD. Trong cac dudng thing nao sau diy duong thing nao khong song
song voi A'B' ?

A. AB B.CD C.C'D D. SC.

Cho hinh chép S.ABCD c6 day ABCD 1a mot hinh binh hanh. Goi M, N, P lan luot 1a trung
diém céac canh AB, AD, SC. Thiét dién ctia hinh chop véi mp (MNP) 1a mét da gic c¢6 bao
nhiéu canh ?

A.3 B. 4 C.5 D.6

Cho hinh chép S.ABCD. Piém C' nim trén canh SC. Thiét dién cua hinh chép véi mp
(ABC") 1a mot da giac c6 bao nhiéu canh ?
A.3 B.4 C.5 D.6

Cho tir dién ABCD v6i M, N 1an luot 1a trong tam cac tam giac ABD, ACD.
Xét cac khang dinh sau :
(D  MN// mp (ABC) (IT) MN // mp (BCD)
(ITI) MN // mp (ACD) (IV) MN// mp (ABD)
Cac ménh dé nao dung ?
A LTI B. II, 11T C.IL 1V D. L IV.

Cho tir dién ABCD. Goi M, N, P, Q 1an luot 1a trung diém cua cac canh AB, AD, CD, BC.
Ménh dé nao sau day sai ?
A.MN // BD va MN = %BD B. MN // PQ va MN = PQ
C. MNPQ la hinh binh hanh D. MP va NQ chéo nhau.

Cho hinh binh hanh 4BCD va mdt diém S khong nam trong mat phang (4BCD). Giao
tuyén ctia hai mat phang (S4B) va (SCD) 1a mot duong thang song song voi duong thang
nao sau day ?

A. 4B B. AC C.BC D. S4

Cho tir dién ABCD. Goi M 1a diém nam trong tam gidc ABC, () 1a mit phang di qua M va
song song voi cac duong thang 48 va CD. Thiét dién cua tor dién va mp () 1a hinh gi ?
A. Hinh binh hanh B. Hinh tir dién C. Hinh vuéng D. Hinh thang.
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Ciu 31. Gia thiét nao sau day 1a diéu kién du dé két luan duong thang a song song voi mp(a)?
A.allbvab/l (o) B.a//bvabc(a)
C.a/lmp(p)va(p)// (a) D.an(a)=92.

Céu 32. Cho mot dudng thing a song song v4i mit phang (P). C6 bao nhidu mit phang chira a va
song song voi (P) ?

A. 0. B. 1. C.2. D. v6 s.

Céu 33. Cho mot diém 4 nim ngoai mp(P). Qua A v& dugc bao nhiéu dudng thiang song song voi
(P)?
A.l B.2 C.3 D. vo s0.

Céu 34. Chon khang dinh sai trong cac khang dinh sau: o
A. Hai mat phang c6 mét dieém chung thi ching con c6 vo s6 diém chung khac nira.
B. Hai mit phang c6 mot diém chung thi chung c6 mot dudng thang chung duy nhat.
C. Hai mit phing phan biét c6 mét diém chung thi chung c6 mot dudng thing chung duy
nhat.
D. Néu ba diém phan biét M, N, P cung thudc hai mit phang phan biét thi chung thang
hang.
Céu 35. Hay chon cau ding: i
A. Hai duong thang cung song song véi mét duong thang thir ba thi song song véi nhau.
B. Hai duong thing song song v6i nhau néu chiing khong c¢6 diém chung.
C. Hai dudng thing cling song song voi mot mt phang thi song song voi nhau.
D. Khong c6 mit phang nao chira ca hai dudng thang a va b thi ta néi a va b chéo nhau.
Céu 36. Hay chon cdu ding : ) ) i
A. Néu ba mat phang cat nhau theo ba giao tuyén thi ba giao tuyén d6 dong qui.
B. Néu hai mit phing lan luot chira hai duong thang song song thi giao tuyén, néu co,
ctia chiing s& song song vdi ca hai duong thang do.
C. Néu hai duong thang a va b chéo nhau thi c6 hai duong thing p va ¢ song song véi
nhau ma mdi dudng déu cit ca a va b.
D. Hai dudng thing phan biét cting nim trong mot mit phing thi khong chéo nhau,
Cau 37. Cho bé{l diém 4, B, C, D khong cung nam trong mot mat phang. Trén AB, AD lan luot lay
cac diém M va N sao cho MN cat BD tai I. Di€m [ khong thudc mat phang nao sao day:
A. (BCD) B. (4BD) C. (CMN) D. (ACD).

Cau 38. Trong cac hinh sau :
) 4 1) A (i) A ()4

N NN

Hinh nao c¢6 thé 1a hinh biéu dién caa mét hinh t&r dién ? (Chon cau dung nhét)
A. (D. B. (D), (II). C. (D), (ID), (I1D). D. (), (II), (ITI),
(Iv).

D
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