| PHAT TRIEN DE MINH HOA J

KY THI TOT NGHIER TRUNG HOC PHé THONG 2020
PHAT TRIEN DE MINH HOA LAN 2
Moén: TOAN

CAU 1. C6 bao nhiéu cach chon hai hoc sinh tit mot nhém gom 10 hoc sinh?

A. C3. B. Aj,. C. 102 D. 210,
Loi giai.
S6 cach chon 2 hoc sinh tit nhém gom 10 hoc sinh 1a t6 hop chap 2 cia 10: C%O (cach)
Chon dap an (A) O

Cau 1.1. T6 1 cta lép 11A gdm 6 ban nam va 4 ban nit. Dé chon mot doi lao dong trong t,
can chon mot ban nit va ba ban nam. S6 cach chon nhu vay 1a

o

A. 2L B. 60. C. 40. D. 120. S

Loi giai. g

S6 cach chon mot doi lao dong gom 3 nam va 1 nit 1a CF - C} = 40 céach. 5

Chon dap an (C) O

|—

Cau 1.2. Mot chi doan c¢6 16 doan vién. Can bau chon mot Ban Chap hanh ba ngudi gom Bi%

thu, Pho Bf thu va Uy vien. S6 cach chon ra Ban Chap hanh néi trén 1a =

o

A 560. B. 4096. C. 48. D. 3360. LL-

Loi giai. %D

M3i cach bau chon mot Ban Chap hanh ba ngusi gdm Bi thu, Phé Bi thu va Uy vien la mot =
N 16!

chinh hop chap 3 ctia 16 phan tit. Do d6 ¢6 Aj; = 1—2‘ = 3360 cach. \6

Chon dap an @ 0=

) . ) ) L

Cau 1.3. Tu cac chit so 1; 2; 3; 4 ¢6 the lap duge bao nhiéu so tu nhién cé 4 chit so doi mot F—

khéc nhau? &

A 42 B. 12. C. 24. D. 44, =

Loi giai. =

M&i s6 nhu vay 1a mot hoan vi ctia 4 phan tit. Vay c6 thé lap dudc 4! = 24 s6 théa man dé bai.
Chon dap an @ 0

Cau 1.4. C6 bao nhiéu cach xép mot nhém hoc sinh gom 4 ban nam va 6 ban nit thanh mot
hang ngang?

A. 10!. B. 4! C. 6!.4!. D. 6!
Loi giai.

Nhém hoc sinh d6 ¢é tat ca 10 hoc sinh.

Xép 10 hoc sinh thanh mot hang ngang c6 Pig = 10! cach xép.

Chon dap an @ O]
Cau 1.5. C6 bao nhiéu cach xép mot nhém 7 hoc sinh thanh mot hang ngang?

A. 49, B. 720. C. 5040. D. 42.
Loi giai.
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Xép 7 hoc sinh sinh thanh mdt hang ngang 14 mot hoan vi clia 7 phan t1i.
Vay c6 7! = 5040 cach xép.
Chon dap an @ O

Cau 1.6. Lép 11A ¢6 25 hoc sinh nam va 20 hoc sinh nt. Héi ¢6 bao nhiéu cach chon mot hoc
sinh lam 16p trudng?

A. 25! + 20! cach. B. 45! cach. C. 45 cach. D. 500 cach.
Loi giai.
S6 cach chon mot hoc sinh lam 16p trudng: Cl; = 45 cach
Chon dap an @ O]
Cau 1.7. C6 bao nhiéu cach chon 5 hoc sinh tit 20 hoc sinh 16p 11A7
A. 1860480 cach. B. 120 cach. C. 15504 cach. D. 100 cach.
Loi giai.
S6 cach chon 5 hoc sinh tir 20 hoc sinh 16p 114 1a Cgo = 15504 cach.
Chon dap an @ 0

Cau 1.8. Cho tit gi4c 16i ABCD va diém S khong thudc mat phing (ABCD). C6 bao nhiéu
mat phang qua S va hai trong sé bén diéem A, B, C, D?

A. 3. B. 4. C. 5. D. 6.
Loi giai.
S6 mit phang qua S va hai trong s6 bén diém A, B, C', D bing s6 to hop chap 2 ctia 4 phan ti.
Vay c¢6 C2 = 6 mit phing.
Chon dap an @ O

Cau 1.9. Cho 5 chit s6 1,2,3,4,5. T 5 chit s6 nay ta lap duge bao nhiéu s6 tu nhién c¢6 5 chit

s6 khac nhau?

A. 120. B. 60. C. 30. D. 40.
Loi giai.
C6 tat cd P5 = 5! = 120 (s0).
Chon dap an @ O
Cau 1.10. C6 bao nhiéu cach sap xép 10 ban vao mot cai ban ngang c¢6 10 ghé?
A. 8l B. 10 C. 7. D. 9.
Loi giai.

Mbi cach sap xép 1a mot hoan vi ciia tap gom 10 phan tit. Khi dé s6 cach sap xép 1a 10!.
Chon dap an O

Cau 1.11. Tit cac chit s6 1,2,3,4,5 ¢6 thé lap ducsc bao nhiéu sé tu nhién c¢6 5 chit s6 doi mot
khac nhau?

A. 3125. B. 125. C. 120. D. 625.
Loi giai.

Mbi s6 ¢6 5 chit s6 doi mot khac nhau tit cac chit s6 1,2,3,4,5 1& mot hoan vi ciia 5 chit s6
trén. Vay c6 5! = 120 s6 thdéa yéu cau bai toan.
Chon dap an (C) O]
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Cau 1.12. A? Ia k¢ hicu ciia
A. S6 cac to hgp chap 3 clia 8 phan ti. B. S6 cac chinh hgp chap 3 ctia 8 phan tii.
C. S6 cac chinh hgp chap 8 ctia 3 phan tt.  D. S6 cac hoan vi ciia 8 phan tu.

Li giai.
A% 13 ky hiéu ctia s6 cac chinh hop chap k ctia n phan tit.
Chon dap an O]
Cau 1.13. Rat ngau nhién 4 cai thé trong tap hop gom 10 cai thé. S6 cach rat la
A 5040. B. 210. C. 14. D. 40.
Li giai.
S6 cach riit 4 thé trong tap hop gom 10 thé 1 s6 cic t6 hgp chap 4 ctia 10 phan ti: C, = 210
Chon dap an O]
Cau 1.14. (2 la ky hiéu cta
A. S6 cac hoan vi clia 7 phan ti. B. S6 cac to hgp chap 7 clia 2 phan ti. o
C. S6 cac chinh hgp chap 2 clia 7 phan ti&.  D. S6 céc t6 hop chap 2 clia 7 phan tit. 8
Loi giai. oY
CF 1a ky hiéu clia s6 cac to hop chap k ctia n phan ti. =
Chon dap an @ O 8
Cau 1.15. S6 cach sap xép chod ngoi cho 5 hoc sinh vao mot day c6 5 ghé ké theo hang ngang%
la —
A. 10. B. 24. C. 120. D. 25. <&-
Lai giai. T
S6 cach sap xép chd ngoi cho 5 hoc sinh vao mot day c6 5 ghé ké theo hang ngang 1a 5! = 120 (ZD

Chon dap an (C) =
\<O

Cau 1.16. Ong T dan 6 chau noi ngoai xép thanh hang doc vao rap xem phim. Héi ¢6 bao —
nhiéu cach xép khac nhau néu ong T ding 6 cudi hang? E
A. 720. B. 5040. C. 120. D. 702. &
Loi giai. >
D

—

Vi ong T luon ding cudi hang nén chi c¢6 su sap xép thanh hang doc ciia 6 chau ong T. Do d6
sO cach xép 1a 6! = 720.

Chon dap an @ O
Cau 1.17. S6 cach phan 3 hoc sinh trong 12 hoc sinh di lao dong 1a:

A. Pyo. B. 36. C. A3,. D. C3,.
Loi giai.

MB&i cach phan 3 hoc sinh trong 12 hoc sinh di lao dong 1 t6 hop chap 3 cia 12.
Vay s6 cach phan hoc sinh lao dong la C3,.
Chon dap an @ U
Cau 1.18. C6 tat ca bao nhiéu cach xép 6 quyen sach khac nhau vio mot hang ngang trén gia
sach?

A5l B. 6°. C. 6. D. 6.
Loi giai.
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MBbi céch sip xép 6 quyen sach khac nhau vao mot hang ngang trén gia sach 1a mot hoan vi ctia
6 phan tit.

Vay s cach sap xép 1a 6!.

Chon dap an (C) ]

Cau 1.19. M6t t6 ¢6 7 hoc sinh nam va 5 hoc sinh nit. Héi ¢6 bao nhiéu cach chon 2 ban truc
nhat sao cho ¢6 nam va ni?
A. 35. B. 49. C. 12. D. 25.
Loi giai.
Theo bai ra ta ¢6 chon 2 ban truc nhat sao cho ¢6 nam va nt.
Suy ra chon 1 nam va 1 nf.
Vay s6 cach chon la: CL- Cl = 35.

Chon dap an @ O
Cau 1.20. C6 bao nhiéu cach lay ra 3 phan tu tuy ¥ tit mot tap hop c6 12 phan ti
A. 312, B. 123. C. A3, D. C3,.
Li giai.
lay ra 3 phan tu tuy ¥ tit mot tap hop c6 12 phan tit 1a C3,.
Chon dap an @ O
CAU 2. Cho cap s6 cong (up) v6i u; = 3 va ug = 9 . Cong sai clia cap s cong da cho bing
A. 6. B. 3. C. 12. D. -6.
Loi giai.

Cép s6 cong (un) c6 sd hang tong quat 1a: u, = uy + (n — 1)d.

(V6i vy 1a s6 hang dau va d 1a cong sai).

Suy ratacé:us=u +d<9=3+d< d=6.

Vay cong sai clia cap s6 cong da cho bang 6.

Chon dap an @ O

ug +us —ug =17

Cau 2.1. Cho cap s6 cong (u,) théa man { . Cong thitc s6 hang tong quat ciia

ug +ug = —14
cap sb cong nay la
A. u,=5-2n. B. u,=2+n. C. u, =3n+2. D.u,=-3n+1.
Loi giai.
Ta c6 ug = uy +d, ug = uy + 2d, ug = uy + 5d, ug = uy + 3d va ug = uy + 7d. Do do

(up +d) 4+ (ug +2d) — (ug +5d) =7 u —2d =17 uy =3
= &
(up +3d) + (u1 + 7d) = —14 2u1 +10d = —14 = -2

Vivay u, =3+ (n—-1)-(—-2)=5—2n.
Chon dap an @ O
- . 2 N N ) ” 2 2 ” 5 ug —uqg +us =114
Cau 2.2. Tim so hang dau u; va cong boi g ctia cap so nhan (u,) thoa man
us —us +ug = 342
A up =2, q=23. B.u=3,¢=2. C.u=1,q=3. D.ou=1,¢=2.
Loi giai.
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Uy —ug +us =114 urq(l —¢® +¢%) = 114(1)

uz —us +ug = 342 - w*(1— >+ ¢ =342(2)
LAy phuong trinh (2) chia cho phuong trinh (1) ta dugc ¢ = 3.
Thay vao phuong trinh (1) ta duge u; = 2.

Chon dap an @ O
Cau 2.3. Cho cap s6 cong (u,) biét uz = 6, ug = 16. Tinh cong sai d va tong ciia 10 s6 hang dau
tién.

A d=250=100. B.d=1:50=80. C.d=250=120. D.d=2: 8= 110.
Loi giai.

d:US—U3:16—6:2.

5 5
U1:U3—2d:6—2-2:2.
10- (ug +uo) 10-(up+ur+9-d) 10-(2+24+9-2)
2 2 2
Chon dép an (D)

= 110.

O

Cau 2.4. Cho cap sb6 cong c6 u; = 0 va cong sai d = 3. Tong clia 26 s6 hang dau tién clia cap
s6 cong do bang bao nhiéu?

A. 975. B. 775. C. 875. D. 675.
Loi giai.

A~

n(n —1) 26.25

Ta c6 S, = nuj + 5 -d=>526:26-0+T'3=975.

Chon dép an (A)

O
LUYEN THI TOT NGHIEP THPT 2019-2020

Pe
A

Cau 2.5. Cho (uy,) 1a cap s6 cong v6i cong sai d. Biét us = 16, uy = 22. Tinh u;.

A. u = 5. B. u = -2 C. up =109. D. uw =4.
Loi giai.
. us = 16 u; +4d = 16 up =4 ¢
Ta c6 & & )
uy = 22 uy + 6d = 22 d=3
Vay Uy = 4.
Chon dap an @ O

Cau 2.6. Cho day (u,) 13 mot cap s6 cong c6 u; = 2 va ug = 26. Tim us.
A. 15. B. 13. C. 12. D. 14.
Lo giai.
up +ug 2+ 26 -
2 2
Chon dap an @ O

Ta c6 uy + ug = up + ug + 8d = 2uy + 8d = 2(uy + 4d) = 2us. Do d6 us = 14.

Cau 2.7. Bén s6 lap thanh mot cap sé cong. Tong ciia chiing bang 22, tong céc binh phuong
cia chiing bing 166. Tinh tong cac lap phuong clia bon sb do.

A 1480. B. 1408. C. 1804. D. 1840.
Loi giai.
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Gia st cap s6 cong 1& ui, ug, ug, ug. T gid thiét va tinh chat clia cap sd cong, ta c6

Uy + ug + ug + ug = 22
ud 4 u3 + ui 4 uj = 166

Ul + uqg = u2 + usg

Giai he tren ta duge hai cap s6 cong 1a 1,4,7,10 va 10,7, 4, 1.
Ta c6 13 443 4 73 + 103 = 1408.
Chon dap an O]

Cau 2.8. Cho cap s6 nhan (u,) ¢6 uy = 40, ug = 160. Tim s6 hang dau va cong boi cia cap s6
nhan (u,).
A u =-54¢=-2. B. uy =-2,9g=-5. C. u=-5¢=2. D. uy = —140, ¢ = 60.
Lo gidi.
g = 40 & u1g® = 40
ug = 160 < u1¢® = 160
Suy ra: ¢> =4 < ¢ =2 ho#ic ¢ = -2
V6ig=2thius=40=u; =5
V6i ¢ = —2 thi uy =40 = u; = =5

Chon dép an (A) O
Cau 2.9. Cho cap s6 cong (uy,) véi s6 hang dau 13 u; = 15 va cong sai d = —2. Tim s6 hang thit
8 clia cap sb cong da cho.

A 1. B. 1. C. 103. D. 64.
Lot gisi.
Ta coug=uy +7d=15+7(-2) = 1.
Chon dap an O]
Cau 2.10. Cho (uy,) 1a cap s6 cong véi cong sai d. Biét uy = 16, ug = 22. Tinh u.

A. 4. B. 19. C. 1. D. 2.
Loi giai.
Ta ¢6

uy = 16 u1 +6d = 16 up = —2
= =4 .
ug = 22 uy + 8d = 22 d=3

Do do6, u; = -2 va d = 3.
Chon dap an @ O

~ ;. R . up +ug =10
Cau 2.11. Cho cap so nhan (u,) théa man . Tim us.

uyq + ug = 80

A u3=28. B. uz =2. C. uz3 =6. D. ug =4.
Loi giai.
Goi cong bai clia cap s6 nhan 1a q.

10
) ui+uz =10  [ur(14¢%) =10 M= up =2
Theo gia thiet ta co e & 11+ 7) = 3 * q2 =
Us + ug = 80 w1 > (1+¢%) =80 10¢°(A+¢%) _ ¢ q=2.
1+4¢?

Vay uz = uiq®> =222 =38.
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Chon dap an @ O]
Cau 2.12. Cho cap sb cong (uy,) ¢6 ug = —12;u14 = 18. Tong clia 16 s6 hang dau tien ctia cap
sO cong la

A. S =24. B. §=-25. C. S=-24. D. S = 26.
Loi giai.

g = —12 uy + 3d = —12 up = —21
Ta ¢6 & &
u4 = 18 uy + 13d = 18 d=3.
. ) <. . 2 . 16 - 15
Tong ctia 16 so hang dau tién ctia cap sO cong la Sig = 16 - (—21) + — 3 =24.
Chon dép an (A) O

Cau 2.13. Cho cap s6 cong (uy) biét us = 18 va 45, = Sz,. Tim s6 hang dau tién u; va cong

sai d cuia cap sO cong.

A up =2;d=4. B. u; =2;d=3. C u =2;d=2. D.u; =3;d=2.
Loi giai.
Ta co
v 18 w +4d = 18
g —1 2n(2n — 1
4S, — Sy 4(”“1+M):<2”“1+W)

A~

w1 +4d = 18 Uy =2
=4 =
2u; = d d=4.

Chon dép an (A)

O
LUYEN THI TOT NGHIEP THPT 2019-2020

2
A

ug — ug + us = 10

Cau 2.14. Cho cap s6 cong (u,) biét { . Tim tdng ctia 10 s6 hang dau tien

u4 + ug = 26
clia cap s6 (uy).
[
A. Sio = 145. B. S = 154. C. Sio = 290. D. S = 45.

Loi giai.
Goi d 13 cong sai clia cap sO cong .
Khi do:

ug — ug + us = 10 u; +3d =10 up =1

& &
uq4 + ug = 26 2u1 + 8d = 26 d=3.
. 10

Do dO, S0 = (2’&1 + 9d>7 = 145.
Chon dap an @ O

us + 3ug — ug = —21
3uy — 2uy = —34

Cau 2.15. Cho cap s6 cong (u,) théa man { . Tinh téng 15 s6 hang dau

tien clia cap s6 cong (uy).
A. —285. B. —244. C. —253. D. —274.
Loi giai.
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| us +3uz —ug = —21 3up +9d = -21 up = 2
Ta co & & .
3ur — 2uy = —34 u +12d = —34 =-3

Khi doé 5
S5 = 5 (2:2+14-(—3)) = —285.

Chon dap an @ O
CAU 3. Nghiém ctia phuong trinh 32~ = 27 13
A =4 B. x=3. C z=2 D. x=1.
Loi giai.
Taco 3 1 =213 ?2=33cr-1=3er=4
Chon dap an @ O
Cau 3.1. Tim nghiém ctia phuong trinh log, (3x — 2) = 3.
8 10 16 11
A x=-. B. x=—. L= —. D ox=—.
=3 T == C. x 3 T =
Loi giai.
10
Ta c6 10g2(3x—2):3<:)3x—2:23(:)3x:10(:>x:§.
Chon dap an O]
Cau 3.2. Tim nghiém ctia phuong trinh (7 + 4\/_) Al
1 3 1
A x=-. B x=—-. = —1. D .x=—-.
r =7 T 1 x x 1
Loi giai.
P 2x+1 1 3
Taco (74+4v3)" " =2—-V3& 2 +1=log; , 5 (2—V3) ©wtl=—ger=—7
Chon dap an ]
Cau 3.3. Goi 21, 72 12 nghiém ctia phuong trinh 7¢°=52+9 = 343, Tinh 2 + 2.
A 2y +a29=4. B. 21 + 29 =6. C. 21 +29=>5. D. 2y +29=3.
Loi giai.
2 2 T =2
Ta c6 77 5719 =343 & 77 " =P o2 554+ 9=31°-5r+6=0<
r = 3.
Do d6 tong hai nghiem zq + 29 = 24 3 = 5.
Chon dap an @ O]
: , . _ 1.
Cau 3.4. Tap nghiém cua phuong trinh e =1 la
A S=0. B. s =1{1;2}. C. s ={0}. D. s={1}.
Loi giai.
1
2“32_3“7:Z—l<:>2‘”2_3$:2_2<:>x2—3x:—2<:>x2—3x—|—2:0<:>x:1\/x:2‘
Chon dap an O
Cau 3.5. Phuong trinh 3*~% = 1 ¢6 nghiem 1a
A =4 B. z=4. C. z=0. D. z=5.
Loi giai.
Phuong trinh da cho tuong duong véi
37 =3 s -4=0e1=4
Chon dap an (B) O]
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Cau 3.6. Phuong trinh 3*=* = 1 ¢6 nghiem 1a

A. = —4. B. z=5. C. x=4. D.z=0.

Loi giai.
Phuong trinh tuong duong: 3* 4 =12 —4=1logs1 =0 < r = 4.
Chon dap an @

Cau 3.7. Tap nghiém ctuia phuong trinh log o5 (932 — 393) =—1 la:

A. {4}, B. {3_22\/5; 3+§ﬂ}.
C. {1;—-4}. D. {-1;4}.
Loi giai.
N z <0
Dieu kién: 22 — 3z > 0 < .
x> 3
Ta c6
10g0’25 (12 — 3.T) = -1
& 22-3r=14
& 2 -3r-4=0
x=—1 (nhan)
&
x=4  (nhan)
Vay S = {-1;4}.

Chon dap an @
Cau 3.8. Tap nghiém cua phuong trinh log, (x2 — 2z + 4) =21la

A. {0;-2}. B. {2}. C. {0}. D. {0;2}.

Loi giai.

Tacoa? —2r4+4=222>2-20=022=0Vr=2
Vay tap nghiém ctia phuong trinh la S = {0; 2}.
Chon dép an (D)

Cau 3.9. Phuong trinh logy(x + 1) = 2 ¢6 nghiém la

A . z=-3. B.z=1. C.z=3. D.z=8.

Loi giai.
Phuong phap: log,b = c< b = a“.
Cach gidi: logy (1 +1) =21 +1=2ss+1=4<2=3.
Chon dap an @
Cau 3.10. C6 bao nhiéu gia tri z thod man 5% = 527
A. 0. B. 3. C. 1. D. 2.
Loi giai.

. 2
Taco)5® =5 2= <

Chon dap an @

Cau 3.11. Tim nghiém ctia phuong trinh logs(z — 2) = 2.
A x=9. B. z=38. C. z=11 D.z

10.

L]

Pe
A

O
LUYEN THI TOT NGHIEP THPT 2019-2020

~
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Li giai.

Ta co:
logs(z —2) =2
& r—2=232
s r—2=9
< r=11.

Vay nghiém ctia phuong trinh la z = 11

Chon dap an (C) O
Cau 3.12. Tich tat ca cac nghiem ctia phuong trinh 32+ = 9 bing
A. 2. B. —1. C. 2 D. 3.
Loi giai.
3$2+1‘ =0 & 3$2+.Z‘ — 32
& 24r=2
s ?4r-2=0
r=1
&=
T = -2
Vay tich tat ca cac nghiém ctia phuong trinh da cho bang —2.
Chon dap an @ O
Cau 3.13. Goi S la tap nghiém cua phuong trinh logs(z + 1) — logs(z —3) = 1. Tim S.
—1 13 —1—-+13
A. S ={-2:4). B. 5= { *;*/_; QV_}.
—1 1
C. 5 = {4). D. 5:{+ﬁ}.
Loi giai.
Diéu kién:a;1> 3
PT & “3 — 54 2 =4 (thoa). Vay S = {4).
x J—
Chon dap an (C) ]
Cau 3.14. Tim tap nghiém S cta phuong trinh log, (z 4+ 4) = 4.
A. S ={-4;12}. B. 5= {4}. C. S ={4;8}. D. 5 ={12}.
Loi giai.
Tacology (v +4) =4 r+4=2 =z =12.
Vay tap nghiém ctia phuong trinh S = {12}.
Chon dap an @ O
Cau 3.15. Nghiém ctia phuong trinh log, 2z = 3 1a
A . z=0. B. x=6. C. z=8. D.x=5
Loi giai.
Tacologyr =3 r=222=3
Chon dap an (C) O]
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Cau 3.16. Tim tat ci cac nghiém ctia phuong trinh logy(z — 5) = 4.

Az =2l1. B. z=3. C.z=11 D.z=13.
Loi giai.
Ta c6 logy(z —5) =42 —-5=2* & =21
Chon dap an @ O
Cau 3.17. Tim nghiém cta phuong trinh logs(3z — 2) = 3.
A.x:@. B.xzﬂ. C.xzﬁ. D. x =287
3 3 3
Loi giai.
Phuong trinh da cho tuong duong 3z — 2 = 33 hay z = ?
Chon dap an @ O
Cau 3.18. Tim nghiém ctia phuong trinh 9* — 3% — 6 = 0.
A z=-2. B.z=1. C.zx=2. D.z=3.
Loi giai.
3 =3
Tac69"-3"-6=0< =3 =3zr=1
3T = 9
Chon dap an O]
Cau 3.19. Giai phuong trinh log,(2z — 2) = 3.
A. =3 B.z=2. C. z=5. D.z=4.

L&i giai.

A~

Dieu kién z > 1.

logg(2r —2) =321 —2=8< 1 =>5.

Vay tap nghiém phuong trinh da cho 1a S = {5}.
Chon dap an @

Cau 3.20. Cho phuong trinh logs(5% — 1) - logys (57! — 5) = 1. Khi dat ¢ = logs (5% — 1), ta dugc
phuong trinh nao duéi day?

Pl

LUYEN THI TOT NGHIEP THPT 2019-2020

A t2—1=0. B.t2+t-2=0. C.t2-2=0. D. 212 +2t-1=0.
Loi giai.
logs (5% — 1) - loggs (577! — 5) = 1 < logs (5% — 1) - % [1+logs(5% —1)] = 1.
Khi dat t = logs(5% — 1), ta dugc phuong trinh 2 4+t —2 = 0.
Chon dap an O]
CAU 4. Thé tich ctia khéi lap phuong canh 2 bing

A. 6. B. 8. C. 4. D. 2.
Loi giai.

Thé tchl khéi lap phuong canh a 1a V = d.
Vay thé tich khéi lap phuong canh 2 1a V = 23 = 8.

Chon dap an O]
Cau 4.1. Thé tich khéi lap phuong canh 2a bang

A. 8a3. B. 243, C. o D. 6a3.
Li giai.

Thé tich khéi lap phuong canh 2a 1a V = (2a)® = 8a®.

Bién soan € suu tam: Ths Nguyén Chin Em Trang 11
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Chon dap an @ O]

Cau 4.2. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Tinh thé tich V ctia khéi chop
D'.ABCD. 5

a a? a? 5
Loi giai.
Dién tich day ABCD 1a Sapcp = a?, chiéu cao D'D = a.
3

Do d6 Vprapep = %SABCD -D'D = %az ca= %.
Chon dap an @ O
Cau 4.3. Hinh lap phuong c¢6 dudng chéo ctia mit bén bing 4 cm. Tinh thé tich khéi lap
phuong doé.

A. 82 cm?. B. 162 cm?. C. 8 cm?. D. 2v/2 cm?.
Laoi giai.

4

D6 dai cac canh hinh lap phuong 1a 75 = 2v/2 cm.
Thé tich khéi lap phuong 1a V = (2v/2)? = 16v/2 cm?.
Chon dap an (B) O]
Cau 4.4. Hinh lap phuong c¢6 duong chéo ctia mat bén bing 4 cm. Tinh thé tich khéi lap
phuong do.

A. 82 cm?. B. 162 cm?. C. 8 cm?. D. 2v/2 cm?.
Loi giai.
Do dai cac canh hinh lap phuong 1a % = 2v/2 cm.
Thé tich khéi lap phuong 1a V = (2v/2)? = 16v/2 cm®.
Chon dap an ]
Cau 4.5. Hinh lap phuong c¢6 duong chéo ctia mat bén bing 4 cm. Tinh thé tich khéi lap
phuong do.

A. 8v2 cm?. B. 16v/2 cm?. C. 8 cm?. D. 2v2 cm?.
Loi giai.
Do dai cac canh hinh lap phuong 12 % _9v3 em.
Thé tich khdi lap phuong 1a V = (2v/2)? = 16v/2 cm?.
Chon dap an O]
Cau 4.6. Hinh lap phuong c6 duong chéo ctia mat bén bing 4 cm. Tinh thé tich khéi lap
phuong do.

A. 8v/2 cm3. B. 16v2 cm?. C. 8 cm?. D. 2v/2 cm?.
Li giai.
Do dai cac canh hinh lap phuong 1a % = 2v/2 cm.
Thé tich khéi lap phuong 1a V = (2v/2)3 = 16v/2 cm?.
Chon dép an O

Cau 4.7. Néu canh ctia mot hinh lap phuong ting lén gap 3 lan thi thé tich ctia hinh lap
phuong dé ting lén bao nhiéu lan?
A. 27. B. 9. C. 6. D. 4.
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Loi giai.
V' = (3a)® = 33 . a3 = 27V.
Chon dap an @ O]

Cau 4.8. Néu canh ctia mot hinh lap phuong ting lén gap 3 lan thi thé tich ctia hinh lap
phuong dé tiang léen bao nhiéu lan?

A. 27. B. 9. C. 6. D. 4.
Loi giai.
V' = (30)° =33 a3 =27V,
Chon dap an @ O
Cau 4.9. Tinh thé tich ctia khéi lap phuong ABCD.A'B'C’'D’ canh a.
CL3 CL3 (13
A —. B. —. . ad. D. —.
3 2 C.a 6
Loi giai.
Theé tich ctia khéi lap phuong ABCD.A'B'C'D’ canh a la: d®.
Chon dap an @ O
Cau 4.10. Tinh thé tich ctia khéi lap phuong ABCD.A’B'C'D’ canh a.
3 3 3
AL B. = C. . D =
3 2 6
Loi giai.
Thé tich ctia khéi lap phuong ABCD.A’B'C'D’ canh a la: d®.
Chon dap an @ O
<
Cau 4.11. Tinh thé tich V cta khéi lap phuong ABC'D.A'B'C'D’ biét AC' = 2a+/3.
3
AV =8d3. B.V=ad C.V= 3@“ . D. V =33a°.
Loi giai. “
Goi x > 0 la do dai canh ctia hinh lap phuong. Ta ¢6 duong chéo hinh A B
lap phuong AC’ = 2v/3 = 2aV/3 < = = 2a. Vay thé tich hinh lap phuong N '
1AV =23 = 8d°. D E \\ c
AN <
Alb=-Nb-A B
D’ c’
Chon dap an @ O
Cau 4.12. Tinh thé tich V ctia khéi lap phuong ABC'D.A'B'C'D’ biét AC" = 2a+/3.
3
AV =8d3. B.V=ad C.V= 3\2& . D. V = 3/3a’.
Loi giai.
Goi x > 0 la do dai canh ctia hinh lap phuong. Ta ¢6 duong chéo hinh A B
lap phuong AC’ = 2v/3 = 2aV/3 < = = 2a. Vay thé tich hinh lap phuong h '
1AV =23 = 8d°. D E \\ C
Y
DI C’I
Chon dap an @ O
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Cau 4.13. Tinh thé tich V cta khéi lap phuong ABCD.A'B'C'D’ biét AC" = 2a+/3.

3v/6a’

A,V =845 B. V =d. C.V= \/4_“ : D. V = 3v/3d%.
Loi giai.
Goi x > 0 la do dai canh ctia hinh lap phuong. Ta ¢6 duong chéo hinh A B
lap phuong AC’ = 2v/3 = 2aV/3 < = = 2a. Vay thé tich hinh lap phuong I
1a V = 2% = 8d°. D i \\ ¢

Y S B
D/ Cf/

Chon dap an @ O

Cau 4.14. Mot hop dung thuc pham c6 dang hinh lap phuong va c6 dién tich toan phan bang
150 dm?2. Thé tich ctia khoi hop 1a
125 125

A. 125 cm?. B. 125 dm3. C. - dm?3. D. - cm3.

Loi giai.

Ta c6 dién tich mot mat 1a S = o2

Ma dién tich toan phan ctia khdi lap phuong 1a 150 = Sy, = 6 - S = 150 = 6a®> = 150 = a = 5
(dm).

Suy ra V = a® = 5% = 125 (dm?).

Chon dép an O
Cau 4.15. Mot khdi lap phuong cé thé tich bing 2v/2a3. Canh ctia hinh lap phuong dé bang

A. 2v/2a. B. v2a. C. 2a. D. V3a.
Loi giai.

Gia stt canh hinh lap phuong c6 do dai la = = thé tich ctia hinh lap phuong 13
V =23 =2v243.

Suy ra z = v/2v2a3 = v/2a.
Vay canh ctia hinh lap phuong bang v/2a.

Chon dap an 0
CAU 5. Tap xac dinh ctia ham s6 y=log, z 1a

A. [0;+00). B. (—o00; +00). C. (0;+00). D. [2; +00).
Loi giai.

Diéu kién xac dinh clia s6 y = logs x 1a = > 0.
Vay tap xéac dinh ctia ham da cho la: D = (0; +00).

Chon dép an (C) O
Cau 5.1. Tap xac dinh ctia ham s6 y = log, S la

A. 9 =(3;+00). B. 2 =(0;3]

C. 2 =(—00;0) U (3;+00). D. 2 =(0;3)

Lai giai.
Ham s6 da cho xac dinh khi 3@

X

>0<x e (0;3).
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Chon dap an @ O

Cau 5.2. Tap xéac dinh ctia ham s6 y = log (z — 2)? 1a

A R B. R\ {2}. C. (2;400). D. [2;400).
Loi giai.
Phuong phap:
Ham s6 y = log, f (v) xac dinh néu f (r) xac dinh va f (z) > 0.
Cach gidi:
Ham s6 y = log (z — 2)* xédc dinh néu (z —2)* > 0 < z # 2.
Vay TXD 2 = R\ {2}.
Cha y: Khi giai nhiéu hoc sinh bién déi (z —2)? > 0 < 2 > 2 rdi chon 2 = (2; +00) la sai.

Chon dap an O
Cau 5.3. Tap xac dinh ctia ham s6 y = log (z — 2)* la
A R B. R\ {2}. C. (2;400). D. [2;4+00).

Li giai.

Phuong phap:

Ham s6 y = log, f (v) xac dinh néu f (z) xac dinh va f (z) > 0.

Cach giai:

Ham s6 y = log (z — 2)? xac dinh néu (z —2)* > 0 < 2 # 2.

Vay TXD 2 = R\ {2}.

Chi y: Khi giai nhiéu hoc sinh bién ddi (z —2)* > 0 < 2 > 2 161 chon 2 = (2; +0) la sai.

A~

Chon dap an O
Cau 5.4. Tim tap xac dinh ctia ham s6 y = logs (22 — 3z +2).
A (—o0;1)U(2;400). B. (1;2). C. (2;+). D. (—o0;1).
Loi giai. X
N r<l1 .
Diéu kien 22 -3z +2 >0 < L , nén tap xac dinh ctia ham s6 (—oo; 1) U (2; +00).

Chon dap an @

O
LUYEN THI TOT NGHIEP THPT 2019-2020

Cau 5.5. Tap xac dinh ctia ham s6 y = (22 — 3z +2)" 14

A. R\ {1;2}. B. (—o0;1) U (2;400). C. (1;2). D. (—o0; 1] U [2; +00).
Loi giai.
N r<l1
Ta c6 diéu kién: 22 — 3z +2>0 < )
x> 2
Chon dap an O
Cau 5.6. Tim tap xac dinh clia ham s6 y = log1 (z + 1).
A 9= (-o0;—1). B. 72=(-1;+). C. 72=[-1;+). D. 2 =R\{1}.
Loi giai.
Diéu kien  +1 > 0 < 2 > —1. Suy ra tap xac dinh 2 = (—1; +o0).
Chon dap an (B) O]
Cau 5.7. Trong cac ham s6 sau, ham s6 ndo ¢6 ciing tap xac dinh véi ham s6 y = 257?
A y=a". B.yzi. C.y=x. D. y= Y.
7
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Loi giai.
Ta ¢6 tap xéac dinh ham s6 y = 25 13 (0; +00).
e Ham s6 y = 2™ cling ¢6 tap xac dinh 1a (0; +o0).
. 1 . <
e Ham so y = 5—\/50() tap xac dinh la R\ {0}
e Ham s6 y = /z c6 tap xac dinh 1a [0; +oc0).

e Ham s6 y = ¢/z c6 tap xac dinh 1a R.

Chon dap an @ O
Cau 5.8. Tim tap xac dinh 2 clia ham s6 y = e 22,

A. 2 =R. B. 2 =10;2]. C. 2 =R\{0;2}. D. 2=0.
Lo giai.
Ham s6 y = % — 2z xac dinh v6i Vz € R.
Chon dap an @ O
Cau 5.9. Tap xac dinh 2 ctia ham s6 y = logygs(22 — 1) 1a

A. 2 = (0;400). B. 7=R. C. 2= % oo) D. 2= [%H—oo)
Loi giai.
Ham s6 xac dinh © 2z —1>0< 2 > %
Chon dap an (C) O
Cau 5.10. Tim tap xac dinh 2 ctia ham s6 y = Il -

A. 2 = (Inb; +0). B. 2 =[In5; +0). C(? 9 ° R\{5}. D. 2 = (5;4+00).
Loi giai.
Ham s6 xac dinh khi e* —e® > 0 < 2 > 5.
Chon dap an @ O
Cau 5.11. Tap xac dinh ctia ham s6 y = logg z 1a

A [0; +00). B. R\ {0}. C. R. D. (0; +00).
Lo giai.
Ham s6 y = logg « xac dinh trén (0; +o00).
Chon déap an (D) O
Cau 5.12. Tim tap xac dinh 2 clia ham s6 y = log, L +2

A. P = (—o0; =3] U (2; +00). .% (25 +00).

C. 2=(-32). . D = (—o0; —=3) U (2; +00).
Loi giai.

X1 . T+ 3 r <=3
Dieu kién xac dinh : >0 (x+3)(z—2)>0«<

T =2 x> 2

Vay 2 = (—o0; —3) U (2; +00).
Chon dap an @ O

Bién soan € suu tam: Ths Nguyén Chin Em Trang 16


https://www.facebook.com/groups/GeoGebraPro/

Cau 5.13. Tim tap xac dinh 2 clia ham s6 y = logs(3 — ).

A. I = (3; +00). B. 7 =R\ {3}. C. 7 = (—0:3).
Loi giai.
Ham s6 xac dinh & 3 -2 >0 x < 3. Suy ra, 2 = (—o00; 3).
Chon dap an @

Cau 5.14. Ham s6 y = log s5(z* — 4x) c6 tap xac dinh la

A. 2 =R\ {0;4}. B. 2 =[0;4].
C. 2 = (—00;0) U (4; +00). D. 2 = (0;4).
Loi giai.

D. =R

Diéu kién xac dinh ctia ham s6 14 22 — 42 > 0 < 2 € (—00;0) U (4; +00). Vay tap xac dinh cla

ham 6 13 2 = (—o0;0) U (4; +00).

Chon déap an @ 4
) V2
Cau 5.15. Tap xéac dinh 2 cia ham s6 y = (z +2) 3 la 8
A . 2=R\{2}. B. 2 =(-2;+). C. 2 =(0;+0). D.2=R o
Lai giai. o
Tacorz+2>0s 2> -2 O
Vay TXD ciia ham s6 1a 2 = (—2; +0). N
|—
Chon dép an O %
£ —
Cau 5.16. Tap xac dinh 2 ctia ham so6 f(z) =In(4 — z) la o
A. D = (—cc:4). B. 2 = (4;+00). C. 2 =R\ {4}. D. 2 = (—o0:4). ‘%‘
Loi giai. 0)
Ham s6 f(r) xac dinh <4 -2 >0e 1< 4. Z
L =
Chon dap an (A) B'Q)
|—
Cau 5.17. Ham s6 y = logs(3 — 27) ¢6 tap xac dinh la T
3 3 3 —
Lai giai. el
Dicukicn 3—2:>0< 2 < g nén ham so6 c6 tap xac dinh 1a (—oo; 5 =
Chon dap an O]
Cau 5.18. Tap xac dinh ctia ham s6 y = logy (z — 1) + log, (z — 3) 1a
A. 2 =(1;3). B. 2 =(—o0;1).
C. 2 = (3;+0). D. 2 = (—o0;1) U (3;4+00).
Loi giai.
) r—1>0
Ham s6 xac dinh khi S >3= 9 =(3;+00).
r—3>0
Chon dap an (C) O
Cau 5.19. Tap x4c dinh 2 ctia ham s6 y = (2? — 32 —4)73 1a
A. 2 =[-1;4]. B. 2 =(-1;4).
C. 2=R\{-1;4}. D. 2 = (—o0; —1) U (4; +00).
Loi giai.
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Ham lfiy thita v6i s6 mit nguyén am nén co s6 khéc 0.

Do d6 22 -3z —4#0& da .Suy ra 2 =R\ {—1;4}.

x#4

Chon dap an (C) O
Cau 5.20. Ham s6 y = log; (42 — 2%) ¢4 tap xéac dinh la

A. (0;4+00). B. (0:4). C.R. D. (2:6).
Loi giai.
Ham s6 xac dinh khi 42 — 22 > 0 < 0 < 2 < 4. Vay tap xac dinh ctia ham s6 da cho 1a (0;4).
Chon dap an O]
CAU 6. Ham s6 F(z) 13 mot nguyéen ham ctia ham s6 f(z) trén khoédng K néu

A Fl(z)=—f(x),Vr € K. B. f'(z) = F(x),Vz € K.

C. Fl(z)= f(z),Vr e K . D. f/(x) = —F(z),Vx € K.
Loi giai.

Theo dinh nghia thi ham s6 F(z) 13 mot nguyén ham ctia ham s6 f(z) tréen khodng K néu
F'(z) = f(z),Vx € K.

Chon dap an (C) O
1
Cau 6.1. Tim ho nguyén ham F(z) ctia ham s6 f(z) = P d
1
A F(x) = =I5z +4]+C. B. F(z) =In|5z + 4| + C.
1 1

C. F(a) = ZIn|sz +4] + C. D. F(x) = = In(5z +4) + C.

Loi giai.
, 1 1

Ta c6 /5$+4dx— 31n|5x+4| +C.
Chon dap an @ O
Cau 6.2. Cho ham s6 f(r) = 2z + ¢*. Tim mot nguyén ham F(z) ctia ham s6 f(z) théa man
F(0) = 2019.

A. F(r) =e” — 2019. B. F(z) = 2% + % — 2018.

C. F(z) = 2% + e + 2017. D. F(z) = 2 +e* + 2018,
Laoi giai.

F(x):/(2m+ex)dx:x2+em+0.

Do F(0) = 2019 nén 02 + e + C = 2019 & C = 2018,
Vay F(r) = 2%+ e® + 2018.

Chon dap an @ O
Cau 6.3. Ho nguyén ham clia ham s6 f(z) = 322 — 1 1a
A 23+ C. B.%3+a:+0. C. 62+ C. D. 23—z +C.
Loi giai.
Ta c6 /f(x)dx: /(3:102 —Ddz =23 -z +C.
Chon dap an @ O

Cau 6.4. Ham s6 f(z) = cos(4x + 7) c6 mot nguyén ham la
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A —sin(4dx+7)+2. B. %lsin(4x+7) —3. C.sindz+7)—1. D. —isin(4x+7) + 3.
Loi giai.
Ham s6 f(x) = cos(4r + 7) c6 mot nguyén ham la isin(éla: +7)—3.
Chon dap an O

Cau 6.5. Cho f(z), g(z) 1a cic ham s6 c¢6 dao ham lién tuc trén R, k& € R. Trong cac khang
dinh duéi day, khéng dinh nao sai?

A./[f( dx—/f dx—/ /f (r)+C.
C./kf(xda::k/f:cdx. / ) + g(x d:c_/f dx+/()d

Loi giai.
Khang dinh A, B, D diang theo tinh chat ctia nguyén ham.
Khang dinh C chi ding khi & # 0.

Chon dap an @ O
Cau 6.6. Ho nguyén ham ctia ham s6 f(x) = 22 + cosz la
1 1
A. 2z —sinz + C. B. §x3+sinx+0. C. gx?’—sinx—i-C’. D. 23 +sinz + C.
Loi giai.

1
Ta c6: [ (2° + cosz)da = gx?’ +sinz + C.

Chon dép an O
Cau 6.7. Ho nguyén ham ctia ham s6 f(z) = 23 + 22 1a ‘
4 3 1 1
AT+ 4o B. 2* + 3. C. 322 + 2. D. —z* 4+ -3
4 3 4 4
Li giai.

2
A

LUYEN THI TOT NGHIEP THPT 2019-2020

4 3
/(x3+x2) dxz%—l—%—l—@.

Chon dap an @ O
Cau 6.8. Tim ho nguyén ham ctia ham sb6 f (r) = 57 ¢
2z
A./52”d:c:2.52x1n5—|—0. B. /52xd33—215—5+0
n
T r+1
C. [d= 240 D. [52dw-2" ¢
2Inb5 r+1
Loi giai.
1 5% 257
2 2 _
Taco/5 dz = 5 ln5+C 2ln5+C
Chon dap an @ O
Cau 6.9. Nguyén ham cia ham s f(z) = 423 + 2 — 1 1a:
1 1
A st +22+2+0C. B. 1222 +1+C. C. 33—1—255 —z+C. D.az* —§:v —z+C.
Loi giai.
n+1
Phuong phap: Stt dung nguyén ham co ban /x” dz = §+ Tt C
o2 1'4 1'2 4 1 )
Cach giai: f(x)dx:4-z+7—x+(]:x +§-x —z+C.
Chon dap an (C) O]
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Cau 6.10. Ho cac nguyén ham ctia ham s6 y = cosz + z 1

A. sina:—i—%a:z—l—C. B. sinz 4 2% + C. C. —sina:—l—%xz—l—C. D. —sinz + 2% + C.
Loi giai.
Ta c6 F(x) = /(cos:(: + z)dz = sinx + %x2 +C.
Chon dap an @ O]

3
Cau 6.11. Néu /f(@ do = % 4 e+ C thi f(«) bing
r r

A. f(z) =322 + ¢ B.f(a:)zz—i—ex. C. f(z) =2 +e". D.f(x):E—l—e“”.

Loi giai.
3

Ta co /f(x)dx: %+ex+C:> f(z) = 2%+ €
Chon dap an @ O]
Cau 6.12. Nguyén ham ctia ham s6 f (z) = 22°Y, (z € R) 13 ham s6 nao trong cac ham sé duéi
day?

A. F(z)=2019228 + C, (C € R). B. F(z) =222 4+ 0, (C€eR).

2020

C. F(z) = 2020 +C, (CeR). D. F(z) = 201822 + ¢, (C € R).

Loi giai.

Ap dung cong thie [ 2"dr = 2+ ¢ 1), ta cd d o, 22 ¢
p dung cong UC/x x—n+1—|— (n # —1), aco/f(x) x—/x x—2020—|— .

Cau 6.13. Ham s6 F (z) = ¢ la mot nguyén ham ctia ham s6 ndo dudi day?

A. f(z) = 22e". B. f(z) = 22 C. f(z) =" D. f(z) = ‘;—x
Loi giai.
Ta c6 f (v) = (F (2)) = (") = 20",
Chon dap an @ O
Cau 6.14. Tim tat cd cdc nguyén ham ctia ham s6 f(z) = 377,

A.i—l—c. B. —E—I—C. C. -3*+C. D. -3 %In3+C.

In3 In3
Léri giai.
Ta c6 /S_wdm = 3 +C.
In3

Chon dap an O
Cau 6.15. Tim tat ca cdc nguyen ham ctia ham s f(x) = sin 5z.

A. %COS5I+C. B. cosbz + C. C. —cosbx + C. D. —%cos5x+0.
Loi giai.
Ta co /sin Sbadr = %/sin Sad(bz) = —é cos 5z + C.
Chon dap an @ O
Cau 6.16. Ho nguyen ham clia ham s6 f(z) =2z +1 1a

A. F(z) =222 + . B. F(z) = 2. C. F(x)=C. D. F(z)=2*+z+C.
Loi giai.
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Ta co

/f /2x+1)daz—x +a+C.

Chon dap an @ O

Cau 6.17. Ho nguyén ham ctia ham s6 f(z) =e® + 2 1a

1 1
A e +22+C. B. e +-22+0C. C. e+ -224+C. D.e"+1+C.
2 r+1 2
Loi giai.
Ta co
1
/f /e +xd:1:—/e dx+/xd:c—e +2x + C, v6i C la hang sob.
Chondépén O

Cau 6.18. Tim nguyén ham F(z) = /71'2 dz.

7T3 72272
A. F(z)=r%r+C. B. 2nz + C. C. F(x)z;—l—C. D. F(z) = 5 +C.
Loi giai.
Ta c6 F(x):/wzdxzwzx—ir(].
Chon dap {m@ O
Cau 6.19. Tim tat cid nguyen ham clia ham s6 f(z) = 322 + g p
3,2 72
A /f(x)dx:§+z+0 B f(x)dx:xs—i—?—i—C'
x? 22
C /f(:c)da::x3+—+0. D /f(x)dx:a:?’—l—z. y

L&i giai.

1 2
Ta co f(x)dx:/(?)xz—kg) dx:3/x2dx+§/xdx:x3+%+0.

Chon dap an (C)

O
LUYEN THI TOT NGHIEP THPT 2019-2020

Cau 6.20. Tim ho nguyén ham ctia ham s6 f(r) = sin(3ax + 1) (v6i a 1a tham s6 khac 0).

1
A. cos(Bax+1)+C. B. e cos(3ax + 1) + C.
1
C. —5003(3a$—|—1)+0. D. —cos(3ax + 1) + C.
Loi giai.
/sin(?)ax +1)dz = %/sin(i’)ax +1)dBaz + 1) = —3i cos(3axr + 1)+ C.
a a
Chon dap an (C) O]
CAU 7. Cho khéi chép cé dien tich day B = 3 va chiéu cao h = 4.Thé tich ctia khéi chép da
cho bing
A. 6. B. 12. C. 36. D. 4.
Loi giai.
Ta c6 cong thiic thé tich khéi chép V = %B.h = %.3.4 = 4.
Chon dap an @ O
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Cau 7.1. Cho khéi chép S.ABCD canh bén SA vuong goc v6i day, day ABCD la hinh chit
nhat, AB = a, AD = 2a, SA = 3a. Thé tich ctia khéi chép S.ABCD bang

3
A. 6a3. B. C. 243. D. 3.

a
=
Lai giai.
Theo gia thiét ABCD 1a hinh chit nhat nén thé tich khéi chép S.ABC'D
1a

V:%SA-AB-AD:%-3a~a-2a:2a3.

Chon dap an (C) O

Cau 7.2. Cho khéi chop tit gidc deu S.ABCD c6 ddy ABCD la hinh vuong tam O canh bang

2 2 ) » .
a, dudng cao SO. Biet SO = % the tich khoi chép S.ABCD bang
3 3 5 ,
A TY2 B “V2 c. V2, D “V3
6 3 5 )
Loi giai.
Ta co SABCD = a2_
~ 1 aVv?2 a3v/2
VayVS'ABCD:g.SO'SABCng'T'CLQZ G
D
Chon dap an @ -

Cau 7.3. Cho khoi chép S.ABC ¢6 SA L (ABC) va SA =2, tam gidc ABC vuong can tai A va
AB = 1. Thé tich khdi chép S.ABC bing

1 1 2
A - B. -. C. 1. D. -.
6 3 3
Loi giai.
, 1 1 1 1
TacoSABC:§AB-AC:§:>V5.ABC:§SA.SABC:g' g
AQ C
B
Chon dap an H
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Cau 7.4. Cho khéi chép tam giac c6 dudng cao bang 100 cm va canh diy bang 20 cm, 21 cm,
29 cm. Tinh thé tich khéi chép nay.
A. 7000v2 cm?. B. 6000 cm?. C. 6213 cm?. D. 7000 cm?.
Loi giai.
Dién tich day

2 21+ 2 2 21 + 2 2 21 + 2 2 21 + 2
S:¢0+2+9(0+2+&@(W_m)(w_gg):mcmz

Thé tich khéi chép

1
V= -S-h:§-210-100:7000cm3.

W =

Chon dap an @ O

Cau 7.5. Cho khéi chop S.ABC c6 day la tam gidc déu canh bang a, SA = av/3, canh bén SA
vuong goc véi day. Thé tich khéi chép S.ABC biang

3 3 3 3
AL BV B. L. c. ©V3 D L.
2 2 4 4
Loi giai.
Thé tich khéi chop 1a g
1 1 a2\/§ a’
— Z.9A4. - Z. . -
V=3 S4-Sapc =g eV — = =

s

Q
LUYEN THI TOT NGHIEP THPT 2019-2020

Chon dap an @

Cau 7.6. Cho khdi chép S.ABC c6 day la tam giac déu canh bang a, SA = av/3, canh bén SA
vuong goc véi day. Thé tich khoéi chép S.ABC bang

3 3 3 3
A V3 B. L. c. OV, D. <.
2 2 4 4
Loi giai.
Thé tich khéi chép la IS
1 1 aQ\/g ad
V—g'SA'SABC—g'CL\/g' 1 —Z
A
C
B
Chon dap an @ O

Cau 7.7. Cho khdi chép S.ABC c6 day la tam gidc vuong can tai A, SA vuong goéc véi day va
SA = BC = ay/3. Tinh thé tich khéi chop S.ABC.
A V= \/?ga‘g. B. V= ga?’. C. V= ?%/ga?’. D. V= ?a?’.

L&i giai.
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Vi tam gidec ABC vuong can tai A nén AB = AC = BC _ av3

V2 V2
suy ra: Sapc = —AB AC = SZ
3 3 4 4
B
Chon dap an @ 0

Cau 7.8. Cho khéi chép S.ABCD c6 day la hinh chit nhat c¢6 chiéu rong 2a va chiéu dai 3a.
Chiéu cao ctia khéi chép 1 4a. Thé tich ctia khoi chop S.ABCD tinh theo a la

A,V = 24a3. B. V =9a%. C. V = 40a3. D. V = 8d>.
Loi giai.
TaCéV:§-3a-2a-3a:8a3.
Chon dap an @ O

Cau 7.9. Cho khdi chép S.ABC c¢6 ABC 1a tam glac vuong can tai C, CA = a, (SAB) vuong
goc vii (ABC) va dién tich tam giac SAB bang —. Tinh do dai dudng cao SH ctia khoi chop

S.ABC.

A. a. B. 2a. C. a/2. D. a\2/§.
Loi giai.
Vi ABC la tam giadc vuong can tai C' nén AB = av/2. IS
Goi H 1a hinh chiéu vuong goc ctia S lén AB, vi (SAB) L (ABC) nén
SH 1 (ABC).
TacéSSAB:%SH-AB:%2:>SH:%:a\2/§. | .

a
C

Chon dap an @ O

Cau 7.10. Cho khéi chép tam gidce c6 chidu cao 10dm, dien tich day 300dm?. Tinh thé tich
khoi chop do.

A 1md, B. 3000 dm®. C. 1000 dm?. D. 3000 dm?.
Loi giai.
Goi V 1a thé tich khéi chép, h 1a chiéu cao va S 1 dién tich day.
Khi d()V:%-h-S@V:élO-SOO@V:lOOO (dm?).
Do d6 V =1 (m?).
Chon dap an @ O
Cau 7.11. Cho khéi chép S.ABCD c6 ddy ABCD 1 hinh vuong canh a, SA vudng goc véi day
va SA = a. Tinh thé tich V ctia khéi chép da cho.
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3 2a3 a

A.vz%. B.V=ad C.v=" D.V="2
Loi giai.
Dién tich hinh vuong ABCD la S = a?. g

Thé tich khoi chép da cho la

Chon dap an @

Cau 7.12. Cho khéi chép tit gide S.ABCD c¢6 SA L (ABCD), SA = a\/3, ABCD la hinh vuong

c6 canh bang a. Tinh thé tich V ctia khéi chép S.ABCD.

V3a? ad V3a3

A. V= T B.V:Z. C. V =+3d. D.V=

Loi giai.
Goi V 1a thé tich khdi chop, do SA | (ABCD) suy ra g
V3d®

1 1
_ = A . = — . . 2 f— .
% 3 SA- 54 3 V3a-a 5

Chon dép an (A)

Cau 7.13. Cho khdi chop S.ABC c¢6 ddy ABC la tam gidc déu canh a. Hai mat bén (SAB) va
<

(SAC) cuing vuong goc v6i ddy. Tinh thé tich khéi chop biét SC = av/3.

3 3 3 3
A V6 . 20V6 c. V3 p. 23,
12 9 2 4
Loi gii.
Ta c6 (SAB) L (ABC),(SAC) L (ABC) nén SA L (ABC).
2
Ma Supc = a Zl/g,SA = +/SC?2 — AC? = a\/2 nén suy ra
v _ Sapc-SA  d*V6
S.ABC = 5 =19

Chon dap an @

O
LUYEN THI TOT NGHIEP THPT 2019-2020

A~

Cau 7.14. Cho khéi chép S.ABC c6 day ABC la tam gidc déu, SA vuong goc v6i mat phang
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(ABC) va SA = a. Biét rang thé tich ctia khéi chop S.ABC biang v/3a?. Tinh do dai canh day
ctia khoéi chép S.ABC.
A. 2av/3. B. 3av3. C. 2a. D. 2av2.
Loi giai.
Ta co
Vs.aBc = %SA -SaaBc

3V,
= SaABC = % = 3v/3a?

AB?
= 4\/§ = 3\/§a2
= AB = 2a+/3 = BC = AC.

Chon dap an @ O
CAU 8. Cho khéi nén c6 chiéu cao h = 3 va ban kinh déay r = 4. Thé tich ctia khéi nén da cho
bang

A. 16m. B. 48~. C. 36m. D. 4.
Loi giai.

. P 1 1

Ta c6 cong thiic thé tich khéi nén V = §7r7°2.h = §7r.16.3 = 167.
Chon dap an @ O
Cau 8.1. Cho khéi nén c¢6 ban kinh day r = v/3 va chiéu cao h = 4. Tinh thé tich V ctia khoi
non da cho.

A,V =16mV/3. B. V =12 C. V=4 D. V =4r.
Lo gisi.
Ap dung cong thic tinh thé tich ctia khéi nén ta tinh duge V = %wﬁh = é.w.(\/§)2.4 = 4.
Chon dap an @ O
Cau 8.2. Cho khdi non c6 dudng cao h v ban kinh day r. Tinh thé tich ctia khoi non.
A. 2mrvVhZ + 12, B. %mjh. C. mrvhZ + 2. D. mr2h.
Loi giai.
Theo cong thiic thé tich khéi nén V = %mﬂ%.
Chon dap an O]

Cau 8.3. Cho khéi nén (N) c¢6 ban kinh » = /5, ¢6 chiéu cao h = 5. Thé tich V ctia khéi non
(N) da cho la.

27w 167 261 2bm
Lot gisi.
J 1 2 257
TaCOVY(N):g'E)ﬂ'(\/g) :T
Chon dap an @ O
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Cau 8.4. Cho khéi nén tron xoay c6 ban kinh day r = v/3 va chiéu cao h = 4. Tinh thé tich V
cia khoi nén da cho.

A.V =167/3. B. V = 127. C. V=4 D. V =4nr.
Loi giai.
Thé tich khoi nén 1a V = %W (V3)*-4 = 4n.
Chon dap an @ O

Cau 8.5. Cho khéi nén tron xoay c6 chiéu cao h, dudng sinh [ va ban kinh duong tron day
bang R . Dién tich toan phan ctia khoi nén 1a

A. Sy, =nR(I+R). B.S,=nR1+2R). C.Sy=2tRI+R). D.Sy,=nrR2+R).
Li giai.
Sip = Sq + Sxq = TR*+ 7Rl = 7R(l + R).
Chon dap an (A)

Cau 8.6. Cho khéi nén c6 ban kinh day bing r, chiéu cao k. Thé tich V ctia khoi nén 1a

O

A V= %ﬂh. B. V =r%h. C. V =nr’h. D.V= %w?h.
Loi giai.
TacoV = %W‘Qh.
Chon dap an (D) O
Cau 8.7. Cho khdi noén c6 ban kinh déy r = v/3 va chiéu cao h = 4. Thé tich ctia khéi nén da
cho bang <
AV =12n7. B. V =4r. C. V=4 D. V=12
Loi giai.

Thé tich khéi nén V =7 -r2- h = 127.
Chon dap an @

Cau 8.8. Cho khdi nén cé ban kinh day bing r, chiéu cao k. Thé tich V ciia khéi non 1a

B
LUYEN THI TOT NGHIEP THPT 2019-2020

A V= %ﬂh. B. V =7?h. C. V =mr?h. D.V= %m%.
Loi giai. ‘
TacoV = %Wrzh.
Chon dap an @ O

Cau 8.9. Cho khdi non c6 do dai dudng sinh bing [ = 2a va chiéu cao bang h = av/3. Tinh thé
tich khoi nén da cho

A T B, 27 o Vord p, V3
3 3 3 3
Lai giai.

Thé tich khdi nén 1a

Chon dap an @ O

Cau 8.10. Cho khéi nén va khoi tru c6 ciing chiéu cao va cting ban kinh duong tron day. Goi

N 2 o Z . , < Z. . 2 - V ~ .z . N
Vi; Vo lan lugt 1a the tich ctia khoi non va khoi tru. Biéu thic 71 c6 gia tri bang
2

Bién soan € suu tam: Ths Nguyén Chin Em Trang 27


https://www.facebook.com/groups/GeoGebraPro/

https:/ /www.facebook.com/groups/GeoGebraPro/

1 1 1
A. —. B. 1. C. -. D. -.
T 2 3
Loi giai.

Goi ban kinh duong tron day ctia khdi nén va khoi tru 1a R.
Chiéu cao ctia khdi nén va khoi tgu 1a h.
Khi d6 thé tich khéi non 1a Vi = §7rR2 - h va thé tich khéi tru 1a Vo = 7R? - h.

L o
Dova E—w—l
Y% T AR R 3
Chondépén@ O

Cau 8.11. Cho khéi nén tron xoay c6 chiéu cao bang 8 cm va do dai duong sinh bang 10 cm.

Thé tich ctia khdi nén 1a

A. 12471 cm?. B. 1287 cm?. C. 1407 cm?. D. 967 cm?.
Loi giai.
. » ‘. 1 1
Ap dung cong thic tinh the tich khéi non V = 5B h= 3T (10% — 82) - 8 = 967 (cm?).
Chon dap an @ O
Cau 8.12. Cho khéi nén c6 ban kinh day r = v/3 va chiéu cao h = 6. Thé tich ctia khoi nén da
cho bing

A.V =6r. B. V =6. C. V=18 D.V =18~.
Loi giai.

/ I, 1 2

TaCOV:gm“ h:§7r(\/§) 6 = 6.
Chon dap an @ O

Cau 8.13. Cho khéi nén va khoi tru c6 ciing chiéu cao va ctiing ban kinh duong tron day. Goi

N 2 o Z . . < L. - 2 -, V z <z . N
Vi, Vo lan luct 1a the tich ctia khoi nén va khoi tru. Bieu thic 71 c6 gia tri bang
2

1 1 1
A.. ;. B. 1. C. 5. D. g.
Lai giai.

Goi chiéu cao va ban kinh duong tron day cua
khéi noén va khéi tru 1lan lugt 1a h va R.

, . 1
e Thé tich ctia khéi non vy = §7TR2h‘

e Thé tich ctia khéi tru Vi = 7 R2h.

1% 1

. Vaytacévl:g
Chon dap an @ O
Cau 8.14. Thé tich ctia khéi noén cé chiéu cao h = 6 va ban kinh day R = 4 bing

A.V =327 B. V =96~. C. V = 16m. D. V = 48x.
Loi giai.

2 L. 1 1
Theé tich ctia khéi nén V = §7rR2 h= 37 42 .6 =327
Chon dap an @ O
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Cau 8.15. Cho hinh nén c6 ban kinh diy » = 4 va dién tich xung quanh bang 207. Thé tich
ctia khoi nén da cho bang
16 80

A. 4r. B. 167. . = D. —r.
T 61 C37T 37r

Loi giai.
Ap dung cong thic tinh dién tich xung quanh ctia hinh nén ta cé

Spg=mrl =20r =m-4-1l=1=05.

Vih=+vVE2—r2nén h=+v52—42=,/9=3.

2. . 2 . 1 1
Khoi nén cé theé tich 14V = gm’zh =37 42 .3 = 167.

Chon dap an

Cau 8.16. Tinh thé tich V ctia khéi nén c6 ban kinh day bing 3 va chiéu cao bang 6.
A.V =18n7. B. V = 54x. C. V =108~. D. V = 36~.

Lot gidi.

Ta ¢6 V:éWTQh:%W-32-6:187r.

Chon dap an @

O

LUYEN THI TOT NGHIEP THPT 2019-2020

Cau 8.17. Cho hinh nén c6 chiéu cao h va géc ¢ dinh bang 90°. Thé tich ctia khéi nén xac
dinh béi hinh nén trén:

27 V6 T
A —. B. —. .= D.2
3 3 C3 "
Loi gii.
T gid thiét suy ra ban kinh nén r = h.
. ) «
Vay the tich khoi nén tuong tng la
3
T TS Ly
3

Chon dap an (C) O]
Cau 8.18. Tinh thé tich V ctia khoéi non c6 ban kinh day » = /3 va chiéu cao h = 4.

A.V =4r. B. V =12 C. V =16m/3. D.V =4
Lo giai.

. P N 1
Thé tich V' cita khoi non ¢6 ban kinh déy r = V3 va chitu cao h=41a V = zm (V3)? -4 =14,
Chon dap an @ O
CAU 9. Cho mit cau c¢6 ban kinh R = 2. Dieén tich ctia m#t cau da cho bing

A. 327” B. 8r. C. 16r. D. dr.
Loi gii.
S =47 R? = 167.
Chon dap an @ O]

Cau 9.1. Thé tich khdi ciu 6 ban kinh bing g Ia
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7T(13 7TCL2 7T(l3

A —. B. —. L — D. 7a?.
) 1 C 6 Ta

Lai giai.

Phuong phap: Cong thtic tinh thé tich khéi cau c6 ban kinh r 1a: V = %m’g.

. ‘s I Lo .a .. 4 ra\3 wa?
Cach giai: The tich khoi cau c6 ban kinh bang 3 la: V = 3" (5) =5

Chon dap an (C) O
Cau 9.2. Mot mit cau c6 duong kinh bang a c6 dién tich S bang bao nhiéu?
4 2 2

A S= 7;& . B.S:%. C. S = mad®. D. S = 4na®.
Lo giai.
Vi duong kinh mit cau bang ¢ nén ban kinh mét cau 1a r = %.

2

Dién tich mat cau la S = 47r(g) = a2,
Chon dap an (C) O
Cau 9.3. Thé tich ctia khéi cau ¢6 bin kinh R la ,

A. 7R3, B. 4”3R . C. 273, D. %.
Loi giai.

2 ., o Ze 2 2 1 2 P N 47TR3
The tich ctia khoi cau ¢6 ban kinh R 1a V = 7
Chon dap an O
Cau 9.4. Khdi cau c6 ban kinh R = 6 ¢6 thé tich bing bao nhiéu?

A. 1447r. B. 288. C. 48m. D. 727.
Lo gidi.

. L. x 4
Ta c6 cong thiic tinh the tich khéi cau V = §7TR3'
2 2 N 4

Tt d6 suy ra thé tich khéi cau da cho 1a V = §7T63 = 288T.
Chon dap an O]
Cau 9.5. Tinh dién tich ctia mat cau c6 ban kinh r = 2.

A. ?;)—271 B. 8r. C. 327. D. 167.
Loi giai.
Phuong phap
Cong thitc tinh dién tich m#t cau ban kinh R 14 S = 47 R2.
Cach giai
Cong thitc tinh dién tich mat cau ban kinh r» = 2 14 S = 47mr? = 167.
Chon dap an @ O
Cau 9.6. Thé tich khéi cau ban kinh « bing

4 3 3

A. 7;@ ) B. 4na?. C. %. D. 27a?.
Loi giai.

2 7z N 4
The tich khéi cau ban kinh a 13 V = gwa:‘.
Chon dap an @ O
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Cau 9.7. Mot hinh nén c¢6 géc § dinh bang 60°. Hay tinh ty s6 ctia dién tich toan phan chia
cho dién tich xung quanh ctia hinh nén doé.

A2 B 2HV3 c. . D. 2.
3 2 2

Cau 9.8. Tinh dién tich xung quanh ctia khéi tru c¢6 ban kinh day » = 2 va do dai duong sinh
1 =2V5.

A. 85 B. 2/57. C. 2r. D. 4/57.
Loi giai.
Spq = 2m.r.l = 2m.2.2y/5 = 8/57.
Chon dap an @ O
Cau 9.9. Khéi cau ban kinh R = 6 c6 thé tich bing bao nhiéu?

A. 72r. B. 48m. C. 288m. D. 144~r.
Loi giai.
Ta c6 thé tich ctia khéi cau duge tinh theo cong thitc: V = %wRZ” = §7T63 = 2887.
Chon dap an @ O
Cau 9.10. Thé tich V ctia mot khéi cau ¢é ban kinh R 1a

A V= gwR?’. B. V= %WR?). C.V= %sz. D. V =4rR3.
Lo gidi.

Thé tich V clia khéi ciu ¢6 ban kinh R 1 V — gwR:‘

~

g

LUYEN THI TOT NGHIEP THPT 2019-2020

Chon dap an @ )
Cau 9.11. Cong thtc tinh dién tich mat cau ban kinh R.
3 2
A S= 4”;% . B. S =R C. S = 37T4R . D. S = 47R?,

~

Loi giai.

Theo cong thic tinh dién tich ctia m#t cau. ban kinh R.

Chon dap an @ O
. . . 8ma? , .
Cau 9.12. Cho mat cau c6 dién tich bang WTG. Tinh ban kinh r ciia mat cau.
2
A.r:a—\/é. B.r:a—\/g. C.r:a—\/é. D.T:M.
3 3 2 3
Lo giai.
2

Dién tich mat cau da cho 1a 4mr? = &TTG. Suy ra r = a\3/6'
Chon dap an @ O
Cau 9.13. Diéen tich ctia mat cau c6 ban kinh R béang

A. 27 R2. B. 7R2. C. 47R2. D. 2nR.
Loi giai.
Dién tich ctia mit cau c6 ban kinh R bang 47 R2.
Chon dap an (C) O]
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Cau 9.14. Cho hinh nén c6 ban kinh day bang 3 va chiéu cao bang 4. Tinh dién tich xung
quanh ctia hinh nén.

A. 127. B. 9. C. 307. D. 157.
Loi giai.
Do dai dudng sinh ctia hinh nén 1a /32 + 42 = 5. Dién tich xung quanh ctia hinh nén da cho la
S=mn-3-5=15m.
Chon dap an @ O

Cau 9.15. Biét rang dién tich mit cau c6 ban kinh r dude tinh theo cong thiic S = 472, Tinh
dién tich mat cau c6 ban kinh bang 3.

A. 9r. B. 127. C. 4r. D. 36m7.
Loi giai.
Dién tich mat cau c6 ban kinh bang 3 1& S = 4 - 32 = 367.
Chon dap an @ O
Cau 9.16. Tinh dién tich S clia mit cau c6 ban kinh bing a. ,

A . S= %7?@2. B. S = wd?. C. S = 4ma?. D. S= %.
Loi giai.
Dién tich clia mat cau c6 ban kinh bang a 1a S = 4ma?.
Chon dap an (C) O
Cau 9.17. Khéi cau c6 ban kinh R = 6 c¢6 thé tich bing bao nhicu?

A. 144x. B. 2887. C. 48r. D. 72r.
Laoi giai.
Theé tich ctia khéi cau c6 ban kinh R =614 V = %WR?’ = gw - 63 = 2887,
Chon dap an O]
Cau 9.18. Tinh dién tich S clia mit cau c6 ban kinh biang 2a.

A. S =16ma’. B. S =4nd®. C. S= %mﬁ. D. S= 1§67rc12.
Li giai.
Dién tich mit cau ban kinh R = 2a 1a S = 47R? = 47(2a)? = 16ma’.
Chon dap an @ O
CAU 10. Cho ham sb f(z) c6 bang bién thién nhu sau:

r |—00 —1 0 1 400
(@) — 0 + 0 + 0 -
2 2
() / \ / \
—00 —1 —00

Ham s6 da cho nghich bién trén khodng nao dudi day?

A (—o0i—1). B. (0:1). C. (~1:0). D. (—o0:0).
Loi giai.
Duya vao ham sd f(x) nghich bién trén khoang (—1;0).
Chon dap an (C) O]

Bién soan € suu tam: Ths Nguyén Chin Em Trang 32


https://www.facebook.com/groups/GeoGebraPro/

Cau 10.1. Cho ham sb6 y = 2% + 322 — 4 c6 bang bién thién sau, tim a v& b.

T |—00 —2 0 +00
' + 0 - 0 +
0 +00
A a=+o0;b=2. B. a=—o00;b=—4. C.a=—-oc0;b=1. D. a=+o0;b=3.

Loi giai.
Phuong phap:
Tinh giéi han ctia ham s6 khi z tién dén —oco dé tim @ va tinh gia tri cia ham s6 tai = 0 dé
tim b.
Cach giai:
lim y=—00,y(0) = —4=a=—o0;b=—4.

T——00

Chon dap an

Cau 10.2. Cho ham s6 y = f(z) c6 dao ham lién tuc tréen R va c¢6 bang bién thién nhu sau

O

T —00 -1 0 1 +o0
f'(z) + 0 — 0 + 0 —

fo) m/1\2/1\m

A~

Ham s6 y = f(r) dong bién trén khodng nao sau day
A. (0:1). B. (—1:0). C. (—o0: 1), D. (1; +0).
Loi giai.

2
A

Tit bang bién thien suy ra ham s6 da cho dong bién trén cac khoang (—oo; —1) va (0;1).
Chon dap an @

~

O
LUYEN THI TOT NGHIEP THPT 2019-2020

Cau 10.3. Cho ham s6 y = f(z) ¢6 bang bién thién nhu sau:

1 4
-0 +

+
\O/

—00 -1
Y - 0 +
+

Y OO\O/

(0. ¢]

ot | OO

Ham s6 y = f(x) nghich bién trén khoidng nao sau day?

A. (0;400). B. (—00;0). C. (-1,0). D. (—oc; —2).
Loi giai.
Duya vao bang bién thién ta c¢6 ham s6 nghich bién trén (—oo; —1) va (0;1) nén chon dap an D.
Chon dap an @ O
Cau 10.4.
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Cho ham s6 y = f(x) c6 bang bién r | —oo 0 1 1o
thien dusi day. Khang dinh nao sau day Y _ _ 0 T
sai? +00 +00 +00
A. Ham s6 nghich bién trén khoang y \ \ /
(—o0; —1). o -9
B. Ham s6 nghich bién trén khoang
(0;1).
C. Ham s6 dong bién trén khodng
(2; +00).
D. Ham s6 dong bién trén khoang
(—2; +00).
Lai giai.

Duta vao bang bién thién, ta c6: ham s6 nghich bién trén cac khoadng (—o0;0), (0;1) va dong bién
trén khoang (1; +00). Do d6, khéang dinh “Ham s6 dong bién trén khodng (—2; 4+00)” sai.
Chon dap an @ O

Cau 10.5. Cho ham s6 y = f(z) c6 bang bién thién nhu sau

z —00 0 2 400
Y + 0 - 0 +
1 +00
0 -3

Ham s6 da cho dong bién trén khoidng nao duéi day?

A. (2 +o0). B. (—o0;1). C. (0;+00). D. (0;2).
Loi giai.
Duya vao bang bién thién, ham s6 da cho dong bién trén céc khodng (—oo;0) va (2; +00).
Chon dap an (A) O
Cau 10.6.
Cho ham s6 y = f(z) c6 bang bién thien nhu . |__ 1 0 1 too
hinh bén. Ham s6 di cho nghich bién trén -

2 N 2,0 ~ y + 0 - 0 + O —
khoang nao dudi day?
0 0

A (oo 1), B. (~1:1). v 0l

C. (1;4+00). D. (0;1). —0 -1 —0
Loi giai.

Dua vao bang bién thién ta thay ham s6 da cho nghich bién trén (—1;0) va (1;+o00).
Chon dap an (C) O]

Cau 10.7. Cho ham s6 y = f(x) lién tuc trén R v& c6 bang bién thién nhu hinh vé. Khang dinh

nao sau day la sai?
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A. f(x) nghich bién trén khodng (—oo; —1).  B. f(z) dong bién trén khoang (0;6).
C. f(x) nghich bién trén khoang (3; +00). D. f(z) dong bién trén khoang (—1;3).
Loi giai.
Dua vao bang bién thién, ham s6 y = f(x) dong bién trén (—1;3); ham s6 y = f(z) nghich bién
trén (—oo; —1), (3; +00).
Chon dap an O]

Cau 10.8. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh vé duéi day

T —00 —2 2 +o0
Y + 0 — 0 +
3 +o00

Ham s6 dong bién trén khodng nao dudi day?

A~

LUYEN THI TOT NGHIEP THPT 2019-2020

A. (2 +00). B. (-2:2). C. (—00:3). D. (0; +o0).
Loi giai.
Duia bao bang bién thién ta thay ham s6 dong bién trén khodng (2; +o0).
Chon dap én (A) K
Cau 10.9.
Cho ham s6 y = f (x) ¢6 bang bién thién nhu [z [—o ;) 0 5 oo
hinh vé bén. Ham s6 y = f (z) dong bién tren | ¥ + 0 - 0 + 0 - ‘
khoéng nao dudi day? v |t~ P~
A. (—00;0). B. (0;2). — -1 —
C. (=2;0). D. (2;+00).
Loi giai.

Duta vao bang bién thién suy ra ham sé dong bién trén khoang (0;2).

Chon dap an O

Cau 10.10. Cho ham s6 y = f(z) lién tuc trén R vA c6 bang bién thién nhu sau:

T |—00 1 3 +00
y' + 0 — 0 +
3 400
—00 —1
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Chon khang dinh sai trong céc khang dinh sau:
A. Tong gia tri cuc dai va cuc tiéu ctia ham s6 1a 2.
B. mﬂgxf(a:) =3 dat tai z = 1.
C. Ham s6 dat cuc tiéu tai = = 3.

D. Ham s6 dong bién trén cic khoang (3;+o0c0) va (—oo; 1).

Cau 10.11. Cho ham s6 y = f(z) c6 bang bién thién nhu sau

T —00 0 1 +00
Y - + 0 -
+o00 2
1] —oc0 —00

Meénh dé nao dudi day ding?
A. Ham s6 nghich bién trén khoang (—oo;1).
B. Ham s6 nghich bién trén (—oo;0) U (1; +0c0).
C. Ham s6 dong bién trén (0;1).
D. Ham s6 dong bién trén (—oo;2).
Loi giai.
Dua vao bang bién thién ta c6 ham s6 dong bién trén khoang (0;1) va nghich bién trén cac
khoang (—o0;0) va (1;+00).

Chon dap an (C) O
Cau 10.12.
Cho ham 6 y = f(z) lién tuc trén R va c6 bang [T _ 1 5 oo
bién thien nhu hinh vé ben. Khang dinh nio sau / . .

Y - + -

day la sai?
A. f(z) nghich bién trén khodng (—oo; —1). 00 6

N P Y
B. f(z) ddng bién tren (0;6). s 0 T e
C. f(x) nghich bién trén (3; +oc0).
D. f(z) dong bién trén (—1;3).
Lai giai.

Ham s6 dong bién trén (—1;3) nén f(z) dong bién trén (0;6) 1a sai.
Chon dép an O
Cau 10.13. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh dudi day.

T |—o00 -3 —2 +o00
Y + 0 + 0 —
/ 5
Y I \
o0 —00

S6 ménh dé sai trong cac ménh dé sau day?

Bién soan € suu tam: Ths Nguyén Chin Em Trang 36


https://www.facebook.com/groups/GeoGebraPro/

1) Ham s6 dong bién trén khoang (—3; —2).

(1)

(2) Ham s6 dong bién trén khodng (—o0;5).

(3) Ham s6 nghich bién trén cac khodng (—2;+c0).

(4) Ham s6 dong bién trén khoang (—oc; —2).

A. 2. B. 3. C. 4. D. 1.

Loi giai.
Duia vao bang bién thién suy ra ham s6 nghich bién trén (—2;+o0) va dong bién trén (—oo; —2)
= (3), (4) dung.

Ham s6 dong bién trén (—3; —2) va nghich bién trén (—2;5) nén (1) ding va (2) sai.

Chon dap an @ L]
Cau 10.14. Cho ham s6 y = f(z) c¢6 bang bién thién nhu sau. Ménh dé nao dudi day ding?

T —00 —2 2 +00

\
/
\

A. Ham s6 dong bién trén khoang (—o0;0).

B. Ham s6 dong bién trén khoang (—2;0).

C. Ham s6 nghich bién trén khodng (—oo; —2).

D. Ham s6 nghich bién trén khoang (—2;2).
Lai giai.

2
A

~

Duta vao bang bién thién ta thay Ham s6 nghich bién trén khoang (—2;2).
Chon dap an (D)

Cau 10.15. Cho ham s6 y = f(z) c¢6 bang bién thién nhu hinh vé sau

O

T |—00 0 2 +00
Y -0 + 0 -
+

00 2
y \_6/ \_

Ham s6 y = f(r) dong bién trén khoidng nao trong cac khodng sau?

A. (0;2). B. (0;3). C. (—00;0). D. (2;4+00).
Li giai.
Tu bang bién thién ta thay ham s6 y = f(z) dong bién trén khodng (0;2).

Chon dap an @ O
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CAU 11. Véi a la s6 thyc duong tiy ¥, log, (a®) bing

A. ;logQa. B. %logga. C. 3 +logy a. D. 3logya.
Loi giai.
Ta c6 log, (a*) = 3logy a.
Chon dap an (D) O
Cau 11.1. Véi a,b 1a hai s6 thyc duong tuy ¥, In % bang
A 4lna—1Inb+ 1. B. 4lnb—1na+ 1. C. 4lna+Inb—1. D.4lna+1Inb+ 1.
Loi giai.
Ta co: lnﬁ =Ina*+lne—Inb=4lna+1—-Inb=4lna—Inb+ 1.
Chon dap an @ O

Cau 11.2. Véi a,b 1a cac s6 thuyce duong tiy ¥ va a khac 1, dat P = log, b* + log,» 5. Ménh dé
nao duéi day ding?

A. P=2Tlog,b . B. P=15log,b . C. P=9log,b . D. P==6log,b .
Loi giai.
Ta c¢6 P = log, b% + log,2 b° = 3log, b+ glogab = 3log, b+ 3log, b = 6log,b.
Chon dép an (D) O
Cau 11.3. Tinh gia tri clia a!°®va? v6i a > 0,a # 1.

A. 8. B. 4. C. 16. D. 2.
Loi giai.
Ta ¢6 alogﬁél — g2log,4 — glog, 16 — 14,
Chon dap an (C) O]
Cau 11.4. Cho cic s6 thuc duong a, b théa man loga = =, logb = y. Tinh P = log (a®b?)

A. P =6xy. B. p= 2% C. P=22+43 D. P =2x+ 3y.
Loi giai.
Ta c6 log (a2b3) = log (a2) + log (b3) = 2loga+ 3logb = 2x + 3y.
Chon dap an @ O
Cau 11.5. Cho a,b > 0, logy a = p, logz b = p. Dang thiic ndo dusi day ding?

3" 3"
A logs (W) =r+pm — qd. B. logs (W) =7r+pm+ qd.
37" 3T

C. logs (W) =r—pm — qd. D. logs (W) =r—pm+ qd.
Loi giai.
Ta c6 logs (W) = logs 3" — logs (ambd) =1 —logg a™ — logs b = r — mlogs a — dlogg b
Chon dap an @ O
Cau 11.6. Gia st a,b la cac s6 thyc duong tity ¥ thoa man o2 = 4%. Ménh dé nao sau day
ding?

A. 2logya — 3logyb = 8. B. 2logya + 3logy b = 8.

C. 2logya+ 3logy b = 4. D. 2logga — 3logy b = 4.
Loi giai.

T gid thiét ta co log, (a2b3) = log, 4* < logy a® + log, b3 = 4logy 4 < 2logy a + 3logy b = 8.
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Chon dap an O]
Cau 11.7. Cho s6 thyc a > 0,a # 1. Gid tri log /5 Va2 bing

AL B. 2. C. 1. D. 2
9 3 4
Loi giai.
, 2 2 2 4
Ta co: log\/afgxs’/ﬁzloga%aii:§'§-logaa:§. 0
Cau 11.8. Gia tri clia biéu thiic log, 5 - logs 64 bang
A. 6. B. 4. C. 5. D. 2.
Loi giai.
logy 5 - logs 64 = logy 64 = logy 20 = 6.
Chon dap an @ O
Cau 11.9. Biét log3 = m, log5 = n, tim logy 45 theo m, n.
Al- B. 1+ C. 24— D.1+——.
2m m 2m 2m o
Loi giai. S
) log3?-5 log 5 n ~N
T logg4h = ——— =1 =1+ —.
a €0 logy 45 log 32 + 2log 3 T om o
Chon dap an @ 0o
. QN
Cau 11.10. Cho céc s6 thic duong a,b, c va a # 1. Khang dinh nao sau day 1a ding? E
A. log, b+ log, c =log,(b+ c). B. log, b+ log, ¢ =log, |b — ¢|. T
C. log, b+ log, c = log,(bc). D. log, b+ log, ¢ = log,(b — ¢). E
Loi giai. AaLl-
V6i a,b,c va a # 1 thi log, b + log, ¢ = log,,(bc). (:_ED
Chon dap an (C) 0z
p 2 P £ =
Cau 11.11. Cho a va b la so hang thi nhat va thit nam ctia mot cap so cong c6 cong sai d # 0x()
— N —
Gia tri cia log, y ¢ bang =
A log, 5. B. 2. C. 3. D. log, 9. —
Loi giai. &
. . , b—a 4d ~
Ta c6 b=a+ 4d nén b — a = 4d. Do do, log, =logy — = 2. S
d —
Chon dap an O]
) 1
Cﬁu.1112.Iﬁ@;b&gz:2,(a>(D.Tﬂﬂ1]::bg6(—)
a
A T=-2 B. =2 C. I=1. D.[:%.
Loi giai.
o 1 -
Tﬁb%a:2(a>®<¢a:@.KmeI:b%(a):b%(@)1:—2
Chon dap an @ O

Cau 11.13. V6i a, b, x 1 cac s6 thic duong théa man logs 2 = 4logs a + 3logs b, ménh dé nao
duéi day la diung?
A. x=3a+ 4. B. z =4a + 30b. C. z = a*’. D. z =a* + 03
Loi giai.
logs # = 4logs a + 3logs b = logs (a* - b%). Suy ra z = a*b®.
Chon dap an (C) O]
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Cau 11.14. Tinh gié tri clia bicu thic I = a - logy v/8.

AT=2. B. =2 c.r=22 D. =2
3 2 3 2

Loi giai.
I:a-logg\/g:a-logQQ% :g-a-logQQZB?a.
Chon dap an O
Cau 11.15. Tinh gia tri cua leoiéu thic A = logg 12 — logg 15 + logg 20 ;

A 1. B. 3 C. 2. D. T
Loi giai.
Ta c6 A =logg 12 — logg 15 + logg 20 = logg 12:20 logg 16 = %
Chon dap an O
CAU 12. Dieén tich xung quanh ctia hinh tru c6 do dai dudng sinh { v ban kinh déy r bing

A. 4xrl. B. 7rl. C. ém“l. D. 27rl.
Loi giai.
Dién tich xung quanh cta hinh tru S = 27rl.
Chon dap an @ 0

Cau 12.1. Cho hinh tru c¢6 ban kinh day bang 5 va chiéu cao bang 7 . Dién tich xung quanh
cia hinh tru da cho bang

A. ? B. 175x. C. 707. D. 357.
Loi giai.
Ta c6 Sypqg=2mrl =2m-5-7="T70rm .
Chon dap an (C) O
Cau 12.2. Khéi tru tron xoay c6 dusng kinh bing 2a, chiéu cao h = 2a c6 thé tich la
A.V =271d?. B. V =27rd?. C. V = 2nad?h. D. V =nd?.
Loi giai.

£ . v Loyt 2 1z s
Khoéi try tron xoay c6 ban kinh bang g = a nén c6 the tich 14 V = 7a? - 2a = 27a’.
Chon dap an O]

Cau 12.3. Mot hinh tru c6 dién tich xung quanh bing S, dién tich day bang dién tich mot
mat cau ban kinh a. Khi d6 thé tich ctia hinh tru bang

1 1 1
A. Sa. B. §Sa. C. §Sa. D. ZSa.
Loi giai.
Goi r 1a ban kinh day ctia hinh try, A la chiéu cao ctia hinh tru.
' S = 2nrh r=2a
Theo bai ra ta cé & g
7r? = 4ra® h=—.
4§a
Thé tich khoi tru 1a V = 7r2h = 7 - 4a? - — = Sa.
4ma
Chon dap an @ O]

Cau 12.4. Mot hinh tru c6 dién tich xung quanh bing S, dién tich day bang dién tich mot
mat cau ban kinh a. Khi d6 thé tich ctia hinh tru bang
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A. Sa. B. %Sa. C. %Sa. D.
Li giai.

Sa.

Goi r 1a ban kinh day ctia hinh tru, A 13 chiéu cao ctia hinh tru.

' S =2nrh r=2a
Theo bai ra ta co & g
r? = 4ra? h=—.
4§a
Thé tich khoi tru 1a V = 7r2h = 7 - 4a? - y—— Sa.
Ta

Chon dap an @

Cau 12.5. Mot hinh tru c6 ban kinh day , » = a do dai duong sinh [ = 2a Dién tich toan phan
cua hinh tru nay la

A. 27a?. B. 47a?. C. 6ma?. D. 57a?.
Loi giai.
Stp = 25q + Szq = 2ma? + 2ra - 2a = 6mwal. o
)
Chon dap an (C) O] g

Cau 12.6. Mot hinh tru c6 ban kinh déy , r = a do dai dudng sinh | = 2a Dién tich toan phan—
cua hinh tru nay la

A. 2ra?. B. 4ma®. C. 6ma®. D. 5ra’.
Loi giai.
Stp = 28q+ Szq = 2ra? + 27ma - 2a = 6ma’.

A~

Chon dap an @

O
LUYEN THI TOT NGHIEP THPT 20

Cau 12.7. Mot hinh tru c6 ban kinh day bang 2cm va c6 thiét dien qua truc 1a mot hin

Pe
A

vuong. Dién tich xung quanh ctia hinh tru la

A. 8rcm?. B. 47cm?. C. 32wcem?. D. 16wcm?.
Loi giai.
Vi thiét dien qua truc la hinh vudng nén ta c6 h = 2r = 4cm 0 ‘
= Spq = 27rh = 27 - 2.4 = 16mcm?. N
A / B
P
Mi i
AT
A S I B
[N /
N
Chon dap an @ O

Cau 12.8. Mot hinh tru c6 dién tich xung quanh bang 47a? va ban kinh day 14 a. Tinh do dai
duong cao h cta hinh tru doé.

A. a. B. 2a. C. 3a. D. 4a.
Loi giai.
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Dién tich xung quanh ctia hinh tru c¢6 ban kinh day a va chiéu cao h la:

B _ Siq Ama® B
Sgq = 2mah & h = 50— ora 2a.

Vay do dai duong cao ctia hinh tru dé 1a h = 2a.
Chon dap an O
Cau 12.9. Hinh tru tron xoay c6 dudng kinh day 1a 2a, chiéu cao 1a h = 2a c6 thé tich la

A.V =2mad. B. V = rd’. C. V =2ma?. D. V = 2na?h.
Loi giai.
Ban kinh duong tron day ctia hinh tru la r = a. o
Thé tich V = h - 7r? = 2a - ma? = 27ad.
Chon dap an @ O
Cau 12.10. Viét cong thitc tinh dién tich xung quanh ctia hinh tru c6 chiéu cao h ban kinh
day 1a R.

A. S;q = 2mwRh. B. S, = mRh. C. Sy, = 7Rh. D. S;q = 47 Rh.
Loi giai.
Ap dung cong thic tinh dieén tich xung quanh ctia hinh tru Szq = 2w Rh.
Chon dap an @ O

Cau 12.11. Cho hinh tru c6 ban kinh day bang 4, dién tich xung quanh bang 487. Thé tich

ctia khoi tru bang
A. 247,

Li giai.

Goi hinh tru c¢6 ban kinh va chiéu cao lan lugt 1a R, h.

Theo gia thiét R =4 va Sy, =27+ R-h =487 nén h = 6.

Do d6 thé tich khoéi tru V =7 - R? - h = 967,

Chon dap an O

Cau 12.12. Mot hinh tru ¢6 ban kinh day a, c6 thiét dién qua truc 13 mot hinh vuong. Tinh
theo a dién tich xung quanh ctia hinh try.

B. 967. C. 327. D. 72x.

A. ma?. B. 27d?. C. 3ma?. D. 47a?.
Loi giai.
Thiét dién qua truc 13 mot hinh vuoéng nén hinh tru c6 duong sinh bang O
/ /
dudng kinh ddy: | = 2a. o N
Vay dién tich xung quanh hinh tru 1a Sy, = 277l = 47a®. |
A: _____ l.____\_\ B
~_ O ~
Chon dap an @ O
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Cau 12.13. Cho hinh tru c6 chiéu cao bang 2a, ban kinh day bang a. Tinh dién tich xung
quanh ctia hinh tru.
A. ma®. B. 242 C. 2mad?. D. 47d?.
Lok giai.
Dién tich xung quanh ctia hinh tru la S, = 27 - R - h = 47a®.
Chon dap an @ O

Cau 12.14. Tinh dién tich xung quanh S ctia hinh tru ¢6 ban kinh day bang 3 va chiéu cao

bang 4.
A. S =127. B. S =42r. C. S = 36m. D. S = 24r.
Loi giai.
Dién tich xung quanh ctia hinh tru la S =27 Rh = 27 - 3 - 4 = 24x.
Chon dap an @ O

Cau 12.15. Mit phang di qua truc hinh tru, cit hinh tru theo thiét dien I3 hinh vuong canh

a. Thé tich ctia khéi tru dé bang bao nhiéu?
77613 7'(a3 7.(.&3

3 - - -
A. 7wa’. B.2. C.B. D.4.

Lo giai.
Khoi tru c6 chiéu cao h = a, ban kinh diy bang r = g.
2 3

%

LUYEN THI TOT NGHIEP THPT 2019-2020

™a
a=—":

Vay V=mr?h=m- L.
ay mr T 1

A~

«?-‘ B y
Chon dap an @ 0
CAU 13. Cho ham s6 f(z) c¢6 bang bién thién nhu sau: <
T |—00 —1 2 +00
f'(x) + 0 - 0 +
1 +00
f(x) / \ -
—00 —2

Ham s6 da cho dat curc dai tai
A z=-2 B.z=2. C.z=1. D.z=-1.
Loi giai.
Ham s dat cyc dai tai diém ma dao ham doi dau tit duong sang am.
Tt bang bién ham s6 dat cuc tai 2 = —1.
Chon dap an (D) O
Cau 13.1. Cho ham s6 y = f(x) c6 bang bién thién nhu hinh vé. Tim s6 diém cic tri clia ham
s0.

A. 3. B. 0. C. 1. D. 2.
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T —00 —2 0 2 +00
— 0 + 0 — 0 +
Dua vao BBT suy ra ham s6 c¢6 3 diém cuc tri.

Chon dap an @ O

L&i giai.

Cau 13.2. Ham s6 y = f(z) lién tuc trén R va c6 bang bién thién nhu hinh vé.

T | —o0 1 2 +00
y + 0 — H +
3 +00
Y / \ /
—00 0

Meénh dé nao sau day la dung?
A. Ham s6 da cho ¢6 hai diém cuc tri. B. Ham s6 da cho c6 ding mot diém cuc tri.
C. Ham s6 da cho khong c6 gia tri cuc tieu. D. Ham s6 da cho khong cé gié tri cuc dai.
Loi giai.
Dua vao bang bién thién, ta thay ham s6 dat cuc dai tai z = 1 va dat cuc tiéu tai z = 2.

Vay ham s6 c6 hai diém cuc tri.

Chon dap an @ L]
Cau 13.3.
Cho ham s6 y = f(z) c6 bang bién thién nhu sau. [z [ —oo 0 5 o0
Gi4 tri cuyc dai cia ham s6 bang Yy -0 + 0 -
A 1. B. 2. C.o. D. 5. 00 5

Loi giai.
Gia tri cuyc dai cia ham s6 bang 5.
Chon dap an @ O
Cau 13.4. Cho ham s6 y = f(z) xac dinh, lién tuc trén R va c¢6 bang bién thién nhu sau:

T —00 -2 2 +00

v/ + 0 - 0 +

3 400

Tim gié tri cuc dai yop va gia tri cuce tieu yor ctia ham sé da cho

A. Yycp = —2 va Yycr = 2. B. Yycp = 3 va yor = 0.
C. yCDZQVEi yCTZO. D. yCD:?)Vfi yCT:—2.
Loi giai.
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Tt bang bién thién ta c6 yop = 3 va yor = 0.

Chon dap an
Cau 13.5.
Cho ham s6 y = f(x) c¢6 bang bién thién

dusi day. Khang dinh ndo sau day la !

<

khéng dinh dang?
A. Ham sb dat cuc dai tai z = 2.
B. Ham sb dat cuc dai tai z = —2.
C. Ham sb dat cuc dai tai = = 4.
D. Ham s6 dat cuc dai tai = = 3.
Loi giai.

Dua vao bang bién thién, ta c6 ham s6 dat cuc dai tai z = 2 va dat cuc ticu tai z = 4.

Chon dap an @
Cau 13.6.

Cho ham s6 y = f(x) c6 bang bién thien nhu

hinh vé bén. Ménh dé nao dué6i day dang?
A. Ham sb c6 diém cuc tiéu z = 0.
B. Ham sb ¢6 diém cuc dai z = 5.
C. Ham s6 ¢6 diém cuc tiéu z = —1.
D. Ham s6 ¢6 diém cuc tiéu z = 1.
Li giai.

Dua vao bang bién thién ta thay ham sb c¢6 diém cuc tiéu z = 1.

Chon dap an @

Cau 13.7. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh vé. H6i ham s6 y = f(z) c6 ba

nhiéu diém cuc tri?

O

A~

O

P

LUYEN THI TOT NGHIEP THPT 2019-2020

T —00 —1 0 1 +o0
Y + 0 — + 0 —
2 3 ‘
y RN e \
—0 1] -1 p

A. C6 mot diém. B. C6 ba diém.

L&i giai.

C. C6 hai diém.

D. C6 bén diém.

T bang bién thien ta c¢6 ham s6 c¢6 hai diém cuec tri la ¢ = —1 va z = 1.

Chon dap an @

O

Cau 13.8. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh vé. H6i ham s6 y = f(z) c6 bao

nhiéu diém cuc tri?

T —00 -1 0 1 +00
Yy + 0 - + 0 -
2 3
—00 -1 -1 2
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A. C6 mot diém. B. C6 ba diém. C. C6 hai diém. D. C6 bén diém.
Lo gidi.
T bang bién thien ta c6 ham s6 c6 hai diem cuye tri la z = —1 va z = 1.
Chon dap an (C) ]
Cau 13.9. Cho ham s6 y = f(x) lién tuc trén R v& c6 bang bién thién nhu hinh vé. Khang dinh

nao sau day la dang?

T | —00 —1 0 1 +oo
Y - 0 + 0 - 0 +

I N

0

A. Ham s6 c6 gia tri cuc tiéu bang —1 bing 1.
B. Ham s6 dat cuc tiéu tai = = 0.
C. Ham s6 dat cuc dai tai z = 0.
D. Ham s6 c6 ding hai diém cuc tri.
Li giai.
Phuong phap: Danh gia dau ctia f/(z) va chi ra cyc dai, cue tiéu ctia ham s6 y = f(z).
e Cuc tiéu la diém ma tai do f/(z) doi dau tit am sang duong.

o Cuc dai la diém ma tai d6 f/(z) doi dau tit duong sang am.

CAch giai: Ham s6 dat cuc dai tai z = 0.
Chon dap an @ O

Cau 13.10. Cho ham s6 y = f(z) xac dinh, lién tuc trén R va c6 bang bién thién nhu hinh vé.

T —00 1 2 +00
v - |+ 0o -
+00 0
y \ / \
-1 —00

Meénh dé nao sau day dang?
A. Ham s6 dat cuc dai tai z = 2 va dat cuc tiéu tai x = 1.
B. Ham s6 c¢6 gia tri 16n nhat bang 0 va gia tri nhé nhat bang —1.
C. Ham s6 c6 dng mot cuc tri.
D. Ham s6 c6 gia tri cic dai bang 2.
Loi giai.
Dua vao bang bién thién ta c6, dau ciia v/ doi tit duong sang am nén ham sbé dat cuc dai tai
z =2 va dau ctia ¢ doi tit duong sang am nén ham so6 dat cyc tiéu tai z = 1.
Gia tri cuc tiéu ctia ham sb6 bang —1, gia tri cuc dai ctia ham s6 bang 0.
Chon dap an (A) O

Cau 13.11. Cho ham s6 y = f(z) c¢6 bang bién thién nhu sau.
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T —00 2

Ham s6 dat cuc dai tai diém nao trong cac diém sau day?

O

A z=-2 B. z=3. C.z=2. D.z=4
Loi giai.
Duya vao bang bién thien, ham s6 dat cuc dai tai diem = = 2.
Chon dap an @
Cau 13.12.
Cho ham so y = f (z) c6 bang bien thién 2 o 3 0 e
nhu hinh bén.
Chon khing dinh sai. Y — 0
+00 3
Yy \ / \
0 —00

A~

A. Ham sb dat cuc dai tai =z = 0.

C. Ham s6 dat cuc tiéu tai z = —3.

Cau 13.13. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh vé. Ménh dé nao duéi day dung?

B. Ham s6 c6 hai diém cuc tri.

D. Ham s6 c6 gia tri cuc tieu y = —3.

LUYEN THI TOT NGHIEP THPT 2019-2020

x —00 0 2 +00
f(x) + 0 - 0 ‘
2 +00
C~ )
A. yop =0. B. maxy = 2. C. miny = —2. D. yor = 2.
R R
Loi giai.
Dura vao bang bién thién ta c6: yop = 2, yor = —2.
Do lim y = +oo nén ham s6 khong c6 gia tri 16n nhat.
T—>+00
Do lim y = —oo nén ham sé khong c6 gia tri nhé nhat.
T—r—00
Chon dap an @ O
Cau 13.14. Cho ham s6 y = f(z) lién tuc trén doan [—2; 3], c6 bang bién thién nhu hinh vé
Bién soan € suu tam: Ths Nguyén Chin Em Trang 47


https://www.facebook.com/groups/GeoGebraPro/

https:/ /www.facebook.com/groups/GeoGebraPro/

T -2 -1 1 3
f'(x) + 0 - +
1 5}
0 —2

Khang dinh nao sau day la dung?

A. Gia tri cyc tiéu ctia ham s6 13 0. B. Gi4 tri cuc dai ctia ham s6 1a 5.
C. Ham s6 dat cuc dai tai diem z = 1. D. Ham s6 dat cuc tiéu tai diem z = 1.
Loi giai.
Ham s6 da cho c6 dao ham khong xac dinh tai z = 1 nhung ddi ddu qua z = 1 nén z = 1 1a
diém cuc tiéu ctia ham sb.

Chon dap an @ O

Cau 13.15. Cho ham s6 y = f(z) c6 bang bién thién nhu dudi day

ffzx) — + 8 — (1) + =
o / 5 \ / +00
— 00 -1

Meénh dé nao sau day dang?
A. Ham sb ¢6 diém cuc ticu z = 0. B. Ham sb ¢6 diém cuc dai x = 5.
C. Ham s6 c6 diém cuc tiéu z = —1. D. Ham s6 ¢6 diém cuc tiéu z = 1.
Loi giai.
Duya vao bang bién thién ta thay ham sb c6 diém cuc tiéu = = 1.
Chon dap an @ O

CAU 14. D6 thi ciia ham s6 nao dudi day c6 dang nhu dudng cong trong hinh bén?
A y=23—32.
C.y=a*—222

_ 3
B. y=—2"+3z. y

D. y = —z*+ 222, /\

Lok giai.

Duong cong c6 dang ciia do thi ham sd bac 3 véi hé s6 a > 0 nén chi c6 ham s6 y = 2 — 3z théa
yéu cau bai toan.

Chon dép an (A) O

Cau 14.1.
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Duong cong trong hinh vé bén 1a do thi ctia ham s6 nao dudi day ? y

A y= ’ : B.y= T : ‘
r—1 r—1 |
C.y=a*+22+1. D.y=ua3—-3z—1. |
,,,,,,,1?,1: ,,,,,,,,,
5
\() | T
Loi gidi.
D6 thi 1 ctia ham s6 nhat bién c6 tiém can ding » = 1 vA tiém can ngang y = 1
p 1
nén la ham so y = T
r—1
Chon dap an O]
Cau 14.2.
Duong cong trong hinh bén 1a do thi ctia ham s6 nao dudi y
x4+ 2 —r+1 |
A y=—7"—. B.y= : |
4 2—2x —’?; 4 y T — 23 1 |
T — —T + 9 |
C.y= : D.y= : =2, 2,
4 T+ 2 y 20—-4  ________ oL_____ L _____ x
-1 | /
Loi giai. ¢

1

D6 thi ham s6 ¢6 tiem can ding z = 2 (loai phuong an C), tiém can ngang y = 5 (loai phuong

an B) va di qua diém (—2;0) (loai phuong an D).

LUYEN THI TOT NGHIEP THPT 2019-2020

Chon dap an @ [k
Cau 14.3.
Duong cong trong hinh vé beén 1a do thi clia ham s6 nao duéi day? y
A y=a2%-3z-1. B.y=—1%-322-1. s <
C.y=—a3+322+1. D.y=2%—-32z+1. i
i 1
0 \/ g
—1 -
Lo gii.

Duong cong trong hinh vé c¢6 dang do thi clia ham s6 y = az? + ba? + cx + d v6i a # 0.

Dira vao do thi, ta c6 lim y = +oo. Suy ra a > 0.
T——+00

Mat khac, giao diém ctia do thi v6i truc tung tai diém c6 tung do duong nén d > 0.

Chi c6 ham s6 y = 23 — 3z + 1 thoa méan cac dac diém tren.

Vay duong cong trong hinh vé 14 do thi ctia ham s6 y = 23 — 3z + 1.

Chon dap an @ O

Cau 14 4.
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Duong cong 6 hinh vé bén 1a do thi ciia ham s6 nao dudi day y

1
A y=—2343z+1. B.y:x+1.
x_
-1
C.y:x D.y=2%—32%2—1.

r+1

Loi giai.
Can cit vio do thi ta c¢6 tiem can ding ctia do thi ham s6 1a duong théng = = 1 nén loai phuong
-1

ény:—x3+3w+1,y:x ,y=ad — 322 — 1.

x+1 )
Vay hinh vé bén 1a dd thi cia ham s6 y = ~— -

x _
Chon dap an O
Cau 14.5.
Duong cong trong hinh bén 1a do thi ctia ham s6 nao dudi day? Y
A y=—zr4+322-2. B.y=—-2*4+2:2-1. 1 1 <

@
C.y=—-a*+22-1. D.y=—a*+32% - 3. \/1

Li giai.
Dura vao dang do thi ta thay:

e Ham s6 da cho c6 dang y = az* + b2 + ¢ v6i a < 0.

e D6 thi ham sb cét truc tung tai diem c6 tung do bang —1 nén ham sé c6 hé s6 tu do

¢ = —1. Do vay ta loai dap an A va D.
e Ham s6 dat cyc dai tai = £1, gia tri cyc dai bang 0.

e Ham s6 dat cuc tiéu tai z = 0, gia tri cuc tiéu bang —1 . Do vay ta chon dap an B.

Chon dap an O]
Cau 14.6. Duong cong trong hinh vé bén 1a do thi clia ham s6 ndo dudi day?
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2z — 1 1—2x 2z +1 2z +1
A y= 1 B.y:x—i—l' C.y:x_l. D.y:x+1.
Loi giai.
Do thi ham 6 c6 duong tiém ding 1a 2 = —1. D6 thi ham s6 di qua diém A(0; —1).
Chon dap an @ O
Cau 14.7.
Duong cong trong hinh vé bén 13 do thi ctia ham s6 nao duéi day? Y
A y=zt—222-1. B.y=—2'+222 -1 \ /
C.y=a%—22-1. D.y=—-23+2>-1.
0] X
Loi giai.

Drta vao hinh dang do thi ta suy ra ham s 14 ham tring phuong y = az? + bz + ¢ ¢6
e “Dudi thang thién” nén a > 0.
e CAt truc tung tai diém nim phia duéi truc hoanh nén ¢ < 0.
e CO3cuctrintna-b<0=5b<0.

Chon dap an @

Cau 14.8. Do thi nhu hinh vé 14 do thi ctia ham s6 nao dudi day?

O

LUYEN THI TOT NGHIEP THPT 2019-2020

A~

2
A

~

—4

A y=23-322+4. B.y=-234+322-4. C.y=2>-322-4. D.y=—2%-322—-4.
Loi giai.
Hinh vé & do thi ham s6 y = az® + bz + cx + d v6i a < 0 vi ham s6 ¢6 hai diém cuc tri la 2 =0

va x = 2. Ta thay chi ¢c6 ham s6 y = —23 + 322 — 4 théa man cac diéu kien do.
Chon dap an O
Cau 14.9.
Duong cong trong hinh vé bén 1a do thi ctia ham s6 nao dudi day? y
A y=a*—22%2+3. B. y=a%—222-3.
C.y=—at422%2-3. D.y=a3—32%2-3.

s L
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Lo gisi.
D6 thi da cho c6 dang do thi clia ham bac 4 trung phuong véi hé s6 a duong, cat truc tung tai
diém c6 tung do bang —3.

Chon dap an O
Cau 14.10.
Duong cong & hinh bén 1a do thi clia ham s6 ndo dudi day. y
Ham s6 d6 1a ham sd nao? 2
A y=2%—-322+2. B.y=2%+322+2. /
C.y=—a3+32%2+2. D.y=2%—-32%2+1. T
T
Loi giai.
Dira vao hinh vé ta thay do thi ham s6 tang suy ra hé s6 a > 0.
D6 thi ham s6 dat cie tri tai hai diém 1 (0;2) va (2; —2).
Tacoy=a3—3224+2¢c6y =322 —62. Choy/ =0 | (thda).
T = —2
. r=0 . e . L
Ta cé ham s6 y = 23 +3x+2 c6 ¢y =322 +62. Choy/ =0 (loai). Ta c6 do thi ham sb cit
T =2
truc tung tai diém c6 tung do bang 2 suy ra ham s6 y = 23 + 322 + 1 khong thoa.
Chon dap an @ O
Cau 14.11.
Duong cong trong hinh bén 1a do thi ctia ham s6 nao dudi day? y
A y=322 223+ 1. B.y=—-223—-322+1.
C.y=a3—222+1. D.y=—23+32%+ 1. ol
ol 1 \ T
Loi giai.

D4 thi hinh bén c6 a < 0, diém cyc tiéu M(0;1), cic dai N(1;2).

r=0=>y=1 ? .
thoa man do thi hinh

o Xéthams6 y =322 —-2234+1c6y =6z —622=0=
r=1=y=2

bén.

) z=0 N )
e Xét ham soy =223 —322+1c6y = —622—62=0= ! khong théa man do thi
r=—1

hinh bén.
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T
e Himsby=a3—-2224+1co6y =322 —dr =0 <
T

e Himséy = —23+322+1c6 ¢y = -322 + 62 =0=

Chon dap an @

Cau 14.12.

Duong cong trong hinh bén 1a do thi ctia ham s6 nao duéi

day?
A y=z*—22+1.
C.y=—at+422+1.

B. y=2*—42% + 1.

Li gii.

Tu dang dieu ctia d6 thi ham s6 suy ra né 1a d6 thi ham s6 trung phuong c¢6 hé s6 a > 0. Do d

D.y=2%—-322+22+1.

=0
4 khong thoa hinh bén.

3

r =2

0 .
khong théa dd thi hinh ben.

T

ta chi xét hai ham s6 y = 2% — 2?2 + 1 va y = 2% — 422 + 1.

Vi ham s6 y =2t — 422 +1,taco ¢/ =423 — 8z, ¢y =0 &

r=0
x:j:\/ﬁ

Do d6, dudng cong trong hinh vé 1 do thi ctia ham s6 y = 2* — 422 + 1.

Chon dap an

Cau 14.13.

. Khi z = +£v/2 thi y = 3.

O ~

2
A

O
LUYEN THI TOT NGHIEP THPT 2019-2020

Duong cong trong hinh vé bén 1a do thi ctia ham sb y
nao dudi day?
—1 1
— . B.y= T .
20 +1 2z — 1
r -1 e+l
T T
1
‘ O _——F—;
1 1 x
—1
Loi giai.
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S oL as £ ax i . 2 oo L C s 2
T do thi da cho ta thay do thi nhan duong thang x = ~3 la tiém can ding va duong thang

]- . 2 X . ~ N ? N £ - ]-
y = — lam tiém can ngang. Do d6 do thi trén la ciia ham so6 y = x .
2 2z +1
Chon dép an (A) O
Cau 14.14.
Duong cong trong hinh vé bén 1 do thi ctia ham sb Y
nao duéi day?
—1 1
A y= < : B.y= Tt )
T — T+
C. — . D = .
Y r+1 4 r—1
t1
O \/-/\’_—
1 1 x
—1
Loi giai.

N Z N 2 1 2
Tt do thi da cho ta thay do thi nhan duong thang = = —3 la tiém can ding va duong thang

1 ) N . R 2 —1
y = — lam tiém can ngang. Do d6 do thi trén la ciia ham so6 y = v )
2 20 +1
Chon dap an @ O
Cau 14.15.
Do thi duge cho & hinh bén 1a do thi clia ham s6 nao dudi day? y
-1
A y=—23+322+1. B.y:x :
z+1
C.y=a23+322+1. D.y=2a2%4+22+1.
T
[0
Loi giai.
Dua vao do thi ta ¢6 dd thi ham sb c¢6 hai diém cuc tri va hé s6 a < 0
Chon dap an @ O
A . 2 N . N £ - 2 N
CAU 15. Tiém can ngang cua do thi ham so y = z 1 a
T
A y=-2 B.y=1. .x=—1. D. z=2
Loi giai.
-2 -2
Tacé lim — - =1vi lim — =1
z—+oo x + 1 x——o0o T + 1
Suy ra y = 1 13 tiém can ngang ctia d6 thi ham so.
Chon dap an (B) O]
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Z 2 - 3 . 2 X . N A ~ N
Cau 15.1. Cho ham s0 y = % Duong tiém can ngang cia do thi ham so trén la:
T

A z=—-4. B.y=2. C. z=4. D.y:_T?).
Lo gidi.
=l T = y= i -
Vay y = 2 la duong tiém can ngang.
Chon dép an O
Cau 15.2. Tiem can ngang ciia dd thi ham sé y = —— i1’> la duong théng c6 phuong trinh?
A y=5. B.y=0. C.;:L D.y=1.
Lo giai.

— 3 2 . 2 X . N FS
Taco lim y= lim i =1 = duong thang y = 0 la tiém can ngang cua do thi ham so

r—+to0 r—+ool —

Chon dap an O
o
Cau 15.3. Dudng cong trong hinh bén 14 do thi clia mot ham sd S
trong bon ham s6 dudgc liet ké & bon phuong an A, B,C, D duéi y g
day. H6i ham s6 d6 13 ham s6 nao? - —
20 — 1 | -
A y= . \ QN
r+1 1 —
1 -2z 2 g
B.y= . | I
x+1 Rt 2 it —
2 +1 !
C- Yy = . 1 / (al
r—1 | LLI-
D.y:2m+1. —4 2 410 oz I
z+1 -1 (D
| Z
. e -
L(\jl giai. / O
D6 thi ham so c6 duong tiém can ding la = —1 = loai dap an C. —
Do thi ham s6 di qua diém A (0; —1) = loai ddp 4n B va D. E
Chon dap an @ 0=
LLI-
~ N N .~ ~ 2 X . < Z 2 - 2.7; >—
Cau 15.4. Tim duong tiém can ngang cua do thi ham so y = : 5
A y=-2 B. z=-1. C. z=-2 D.y=2.
Loi giai.
2
. . 220 . L ° e ?
Ta c6: lim y=lim, — +o0 = lim = —2 =y = -2 la dudng tiém can ngang cua
r—+o0 x+1 T—+o00 14 1
B s
ham so.
Chon dép an (A) O
~ X . N S 4:6 —"_ 4 Pa £ d PN N PN ~
Cau 15.5. D0 thi ham s0 y = ————— ¢6 tat ca bao nhiéu duong tiém can?
22+ 2z +1
A. 2. 0. C. 1 D. 3.
Loi giai.
4 4 N £ 4 4 .
Ta co: mgrfoo #tﬁ—l = 0 nén do thi ham so y = #ﬁr%—l c6 tiém can ngang y = 0.
4 4 4 1 4 X e s 2 4 4 ,
im _sres lim (x—+2) = lim —— = 400 nén do thi ham so y = _sres co
po—1t 22 + 20+ 1  as-1+ (z 4 1) a——1tx+ 1 2242+ 1
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tiém can ding x = —1.

N ) 4 4 PP N . R Lo
Vay do thi ham so y = _fret c6 tat ca hai duong tiém can. Chon dap an A.
22+ 2z +1
Chon dap an @ O
. 2 X . N £ 2 - 2
Cau 15.6. Tim duong tiém can ngang cta do thi ham so y = " f
x
A x=-1. B.z=-2. C.y=2. D.y=-2
Loi giai.
2 - 2 . > X . N £
Ta c6 lim A, SN y = —2 la tiém can ngang cua do thi ham so.
r—+oo x4+ 1
Chon dép an (D) O
. 2 X . N Z 3 - 2 <
Cau 15.7. Phuong trinh duong tiém can ngang ctia do thi ham so6 y = " f la
X
A z=-2. B.z=-1. C. y=-2 D.y=3.
Loi giai.
o an S s % ar +b d - . 2 a
Phuong phap: St dung do thi ham so y = 7 # —— | nhan duong thang y = — lam tiém
CT C C
) d ) ,
can ngang va duong thang x = —— lam tiém can ding.
&
Cach giai:
S - p 3—2 ) .
Do thi ham so y = n f nhan duong thang y = —2 lam tiém can ngang.
x
Chon dap an @ O]
Cau 15.8. Tiém can ngang ctia do thi ham s6 y = - la duong thang c6 phuong trinh nao
x —
duéi day?
A z=1. B. y=5. C.z=0. D.y=0.
Loi giai.
)
lim 1= 0
Ta co: { “7F7 g = d0 thi ham s6 c6 tiém can ngang la y = 0.
lim =0
z——o00 L — 1
Chon dap an @ O
X . < Z 2 - 3 . P N [N ~ - PN ~ X
Cau 15.9. D6 thi ham s6 y = x c¢6 cac duong tiém can ding, tiém can ngang lan lugt
la
Alz=1vay=2. B.z=2vay=1. Czr=1lvay=-3. D.z=-1vay=2.
Loi giai.

Ham s6 da cho la ham nhat bién nén do thi ham s6 c6 duong tiém can ding 1a z = 1, duong

tiém can ngang la y = 2.

Chon dap an @ O

2 . N DN ~ 2 X . < Z 1 - 4
Cau 15.10. Duong thang nao dudi day la tiém can ngang ctia do thi ham so y = 5 317?

x —
1
A y=2. B.yzi. C. y=4. D.y=-2
Loi giai.
Ta c6: lim y=—2va lim y= —2 nén dudng thang y = —2 la duong tiém can ngang cia do
T—+00 T——00

thi ham sb.
Chon dap an @ O
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3r —5 ..

Cau 15.11. Tiém can ding ctia do thi ham s6 y = 5 1a
‘T —
A =2 B.y=2. C. z=3. D.y=3.

Loi giai.

. ... 3x—=35 . .. 3x—35 ~ TP
Ta c6 lim = 400 va lim = —oo nén z = 2 la tiém can ding cua do thi ham so

=2+ T — 2 z—2— T — 2

da cho.
Chon dap an @ O

Cau 15.12. Phuong trinh cac dudng tiem can ding va tiém can ngang ctia do thi ham s6
1 -3z

y = lan lugt 1a
T+ 2

Alz=—2vay=-3. B.y=—2vazxr=-3. C.z=—-2vay=1  D.z=2vay=1.
Loi giai.

PR 1—3x . _ 1—3z
Ta c6 lim =400 va lim = —00
z(—2)t T+ 2 z—(-2)" T+2
Neén do thi ham s6 c6 tiem can ding 1a o = —2
L 1—3x
Ta c6 lim = -3
z—+oo T + 2
Nén do thi ham s6 c¢6 tiém can ngang la y = —3.

Chon dap an @ O
Cau 15.13. D6 thi ham s6 y = — 296 c6 tiem can ding la dudng thing?
I J—
A = -3 B.z=2. C.z=-2. D.z=3.
Lai giai.
7T —2 . . . X L1 s PP
Tacoé lim y= lim - +o00, nén tiém can ding ctia do thi ham so trén la = = 2.
r—2F 2+ T — 2
Chon dap an O]
2 N ” W
Cau 15.14. Ham s6 nao c6 do thi nhan dudng thang = = 2 lam dudng tiém can?
1 5x 1 1
A y= . B.y= . Cy=2-2+—— D.y= .
Y r+1 Y 2—=x y=a +.CE—|—1 4 T+ 2
Laoi giai.
Ham s6 y = 5 * nhan z = 2 lam tiém can ding nén chon B.
-
Chon dap an O]
N P 2x — 3 . . N
Cau 15.15. Do thi ham so y = T c6 cac duong tiém can ding va tiém can ngang lan lugt
la
Alz=1vay=2. B.z=2vay=1. Czr=1vay=-3. D.xz=-1vay=2.
Loi giai.
. 21’ — 3 . N < e ~ ? X .
e lim =2 nén y = 2 la duong tiém can ngang cua do thi.
r—+oo T —
2x — 3 20 — 3 . B . N 2
o lim =2 = —o00, lim L = +o0o nén z = 1 la tiém céan ding ctua do thi ham so.
z—=1+ T —1 r—1- T —
Chon dap an @ O

CAU 16. Tap nghiém ctia bat phuong trinh logz > 1 1a
A. (10; +00). B. (0; 4+00). C. [10; 4+00). D. (—oc; 10).
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Li giai.

x>0
logr > 1< < x> 10.
{x > 10
Chon dap an @ O
Cau 16.1. Tap nghiém ctia bat phuong trinh log, (3z +1) < 2 1
A. {—1; 1). B. (—1; 1) C. <—1; 1). D. (—o0;1).
3 33 3
Loi giai.
1
DK: —=
x > 3

logo(Bz+1)<2&3r+1<4s <l
Z . X . . 2 A N N 1
Keét hgp véi dieu kién ta duge nghiém cua bat phuong trinh la ~3 <x<l.

: 0 1z . 1
Vay tap nghiém cua bat phuong trinh (—5; 1) .

Chon dap an @ O
. 3 z—1 3 —x+3

Cau 16.2. Tim tap nghiém ctia bat phuong trinh (Z) > (Z) :

A. (2;400). B. (—o0;2). C. [2;+00). D. (—o0;2].
Loi giai.

3 r—1 3 —x+3
(Z) ><Z) Sr-1l<-—z+3& <2
Chon dap an O
P 1\*

Cau 16.3. Tap nghiém ctia bat phuong trinh (5) < 8 la.

A.S=(-00;-3). B.S= (—oo; %) C.S=(-3;+00). D.S= (% +oo).
Loi giai.

1 x
(5) <8(:)at>log%8<:)x> -3.
Chon dap an (C) O]
Cau 16.4. Tap nghiém ciia bat phuong trinh 32¢~1 > 27 1a

1 1

A. (5, +oo). B. (3;+00). C. (g, —I—oo). D. (2;4+00).
Loi giai.
S 2Me2r—1>36 0> 2.
Chon dap an @ O
Cau 16.5. Tap nghiém ctia bat phuong trinh log, = > logy(8 — 7) 1a

A. (8;400). B. (—o0;4). C. (48). D. (0;4).
Loi giai.

Diéu kién 0 < z < 8.

Do 2 > 1 nén bat phuong trinh da cho tuong duong véi

r>8—r&2r >80 >4,

Két hgp vdi diéu kién 0 < z < 8 ta duge tap nghiém ctia bat phuong trinh 13 (4;8)

Chon dap an (C) O]

Cau 16.6. Tap nghiém ctia bat phuong trinh log, z < 0 1
A. (0;1). B. (—o0;1). C. (1;400). D. (0; +00).

Bién soan € suu tam: Ths Nguyén Chin Em Trang 58


https://www.facebook.com/groups/GeoGebraPro/

Loi giai.

Dieu kien: = > 0.

Phuong trinh da cho tuong duong véi = < 1.
Két hop diéu kién ta c6 nghiem 0 < z < 1.
Chon dap an @

Cau 16.7. Tap nghiém ctia bat phuong trinh log: (z — 3) > log (9 — 22) la
2

ol

A. S = (3:4). B S— (3;9). C. S = (3:4] D. S~ [4;9).

2
Lai giai.

r—3<9-—-2x
logy (z —3) >log; (9 —2z) & &3 < <4
2 2 r—3>0

Chon dap an @

Cau 16.8. Tap nghiém ctia bat phuong trinh 3% > 9 1a
A. (2; +0). B. (0;2). C. (0; +00). D. (-2; +0).
Lo giai.
Tac63*>9&3°>32 1> 2
Chon dap an @

Cau 16.9. Tap nghiém ctia bat phuong trinh 32271 > 27 13
A. (2;400). B. (3;+00). C. (%, +oo). D. (—' +oo>.
Loi giai.
Taco 3 1>272r—1>3 2> 2.
Chon dap an @

Cau 16.10. Tap nghiém ctia bat phuong trinh 2*+! > 0 1a
A . zeR B.z>-1. C z>1. D.z>0.
Li giai.
Ta ¢6 2°T > 0 v6i moi = € R.
Chon dap an @

Cau 16.11. Tap nghiém ctia bat phuong trinh 32~ > 27 13
A. (2;+00). B. (3;+00). C. (% +oo). D. (1' +oo).
L&i giai.
Tac632* 1 >21=22-1>3 1 >2.
Chon dép an (A)
Cau 16.12. Tap nghiem ctia bat phuong trinh log; = > 0 1a
A. (0;1). B. (—o0;1). Cz. (1;400). D. (0;4+00).
Laoi giai.

Diéu kién xac dinh z > 0.

O

O

A~

O

2
A

~

LUYEN THI TOT NGHIEP THPT 2019-2020

O

Ta ¢6 logiz > 0« z < 1. Két hop vdi diéu kien xac dinh ta c6 tap nghiém ctia bat phuong

trinh 1a S = (0;1).
Chon dap an @

4
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) . . 2 4x 2—x
Cau 16.13. Tap nghiém cua bat phuong trinh (5) < (§> la

A. (—oo;—g] B. (—oo;%] C. <§;+oo]. D. |:—g'+00).

2 4x 3 2—x 3 —4x 3 2—x 2
— < (= — < (= —4r <2 — > ——.
(3) = (2) < (2) = (2) oS sT oSy

Chon dap an @

Loi giai.

Cau 16.14. Tim tap nghiém ctia bat phuong trinh logsg(z — 2) > 2.
A. (—oo;11). B. (2;4+00). C. [11; +00). D. (11; 400).
Loi giai.
Dicu kien: z —2 >0z > 2.
Vid>1neénlogg(r—2)>2er-22>232 2> 11.
Vay tap nghiém ctia bat phuong trinh 1 [11; +-00).
Chon dap an (C)

3x 2246
Cau 16.15. Tap nghiém ctia bat phuong trinh <%) > (%) 1a
A. (0;6). B. (—o00;6). C. (0;64). D. (6; +00).
Lo giai.
1 3x 1 2x+6
Ta co <§) >(§> & 3r<2rx+6&x<6.

Chon dap an

CAU 17. Cho ham sb bac bén y = f(z) ¢6 do thi trong hinh bén.

S6 nghiém ctia phuong trinh f(z) = —1 1
A. 3. B. 2.
C. 1. D. 4.

Lai giai.

Duya vao do thi ta thay co 4 giao diém. Vay phuong trinh c¢6 4 nghiem.
Chon dap an @

Cau 17.1. Cho ham s6 y = f(z) c6 bang bién thién nhu hinh sau
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T —00 -2 0 2 +o0
f(x) — 0 + 0 — 0 +
+

fa |

0

S6 nghiém thuc cia phuong trinh 2f(z) +3 =0 1

A. 4. B. 3. C. 2. D. 1.
Loi giai.
3
2f(z)+3=0% f(x) = —3

£ . 2 ~ N £ . - 2 2 2 . N £ N N 2 3
S0 nghiém cuia phuong trinh la so6 giao diem ctia do thi ham so y = f(x) va duong thang y = —3

Ma -2 < —g < 1 nén s6 nghiém thyc ctia phuong trinh 2f(z) +3 =0 1 4.
Chon dap &n (A)
Cau 17.2.

Cho ham s6 bac bon y = f(x) ¢6 do thi nhu hinh vé. S6 nghiém cua y
phuong trinh 3f(z) — 8 = 0 bang

O

A 1. B. 2. C. 3. D. 4. 2
-2 ! 2

I
I
<]
I

8

LUYEN THI TOT NGHIEP THPT 2019-2020

-2
Loi giai.
8
Tacé3f(m)—8:0(:)f(x):§. yls /
- . 8 . . . i \
Dua vao do thi, duong thang y = 3 cat do thi y = f(x) tai hai diem 5
phan biét. Vay phuong trinh da cho c¢6 hai nghiém phan biét. / \
-2 2
ol N\ 1] =
T
Chon dap an O]
Cau 17.3. Cho ham s6 y = f(z) lién tuc trén R va c6 bang bién thién nhu sau
x —00 —1 1 +00
/ + 0 - 0 +
4 —+00
S6 nghiém ctia phuong trinh 2f(z) +3 =0 13
A 1. B. 2. C.o. D. 3.
Loi giai.
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Ta c6 2f(z) +3 =0 & f(x) = —g 1a PTHDGD ctia do thi (C) ctia ham s6 y = f(x) va duong

thing d : y = —g. Dua vio bang bién thien ta thay (C') va d cit nhau tai 1 diém. Vay Phuong
trinh 2f(z) +3 =0 ¢6 1 nghiém.

Chon dap an @ O
Cau 17.4.
Cho ham s6 f(z) c6 d6 thi nhu hinh vé. S6 nghiém ctia phuong trinh y
2f(z) =3 =0l i
A. 3. B. 1. C. 2. D.o.

Loi giai.
3
Tacé2f(x)—3:0<:>f(x):§ (). Y
S6 nghiém ciia phuong trinh (%) bing s6 giao diém gitta do thi ham s |
y = f(z) va duong thézmgy:g. A ;
Dua vao hinh vé, hai do thi cit nhau tai 3 diém phan biét. AT Y72
Vay phuong trinh da cho c6 3 nghiém. | \
N/
5 \/ —,
Sy N AN
Chon dap an @ L]
Cau 17.5.
Cho ham 86 y = f (r) c6 bang bién thién nhu hinh vé [ 7 |- —1 1 +oo
bén. S6 nghiém ctia phuong trinh f (z) = —1 13 y i +
A 1l B. 2. C. 4. D. 3. 1 +oo -1
Y \ el 7
-2 —0

Loi giai.
S6 nghiém clia phuong trinh f (z) = —1 tuong tng véi s6 giao diém ctia dd thi ham s6 y = f (z)
va y = —1. Dua vao bang bién thién suy ra sé giao diém hai do thi la 2 diém.
Chon dap an @ O

Cau 17.6. Cho ham s6 y = f(z) c6 bang bién thién nhu sau:
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+

y 00\1/5\1/+00

S6 nghiém ctia phuong trinh 2f(z) — 5 = 0 la:

A. 4. B. 0. C. 3. D. 2.
Loi giai.
Ta ¢6 2f(2) — 5= 0 & f(z) = g

S6 nghiém ctia phuong trinh da cho bang s6 giao diém ctia do thi ham s6 y = f(z) va duong
thing y = g Dua vao bang bién thien ta cé duong thang y = g cat do thi ham s6 y = f(z) tai
ding 4 diém phan biét. Do d6 phuong trinh da cho c6 ding 4 nghiém phan biét.
Chon dap an @

Cau 17.7.

Cho ham s6 y = —2* + 222 + 1 ¢6 do thi nhu hinh vé. Tim tat ca cac gia y
tri thuc ctia tham sé m dé phuong trinh —z* + 22241 = m c¢6 bén nghiem
thuc phan biét.

O

LUYEN THI TOT NGHIEP THPT 2019-2020

A.1<m<2.
B.m>1.
C.m<2. <
D.1<m<2.
Lok giai.
S6 nghiém ctia phuong trinh —z* + 222 + 1 = m 1a s6 giao diém ctia do y “
thi hai ham s6 y = —2* + 222 4 1 vA duong thang y = m (song song hoic 2
tring Og). AT
Tit d6 thi, phuong trinh da cho ¢6 4 nghiém phan biet < 1 < m < 2. / }/ \ <
’Ll ol T \ @

Chon dap an @ O
Cau 17.8. Cho ham s6 y = f(z) ¢6 bang bién thién nhu hinh vé:

x —00 —2 1 +00
Y 1 — 0 +
e )

Tim tat cd cic gia tri clia m dé phuong trinh f(x) = m c¢6 3 nghiém phan biét.
A —2<m<l. B. -2 <m. C. 2<m«<1. D —2<m<1.
Loi giai.

Bién soan € suu tam: Ths Nguyén Chin Em Trang 63


https://www.facebook.com/groups/GeoGebraPro/

https:/ /www.facebook.com/groups/GeoGebraPro/

S6 nghiém ctia phuong trinh chinh 13 s6 giao diém ctia do thi ham s6 y = f(z) va dudng thang

Yy =m.

Chon dép an (A)

Cau 17.9.
Cho ham s6 y = f(x) = az* + ba? + ¢ ¢6 do thi nhu hinh vé. S6 nghiem y
ctia phuong trinh 2f(z) +3 =0 la

A. 3. B. 1. C. 2. D. 4.

O

Lai giai.

3 . .2 N N N P
Ta c6 2f(x) +3 =0« f(z) = —3 Day la phuong trinh hoanh dé giao diém ctia do thi ham so

2 3 N . N < Z P TN N « 2
da cho va duong thang A: y = —3 Duya vao do thi thi ham so6 c6 cuc dai la yop = 1 va cuc tieu

3 ) S as 4 al . 2
la yor = —3. Ma -3 < —3 < 1 nén duong thang A cat do thi da cho tai 4 diem.
Vay phuong trinh 2f(x) +3 = 0 c6 4 nghiém.

Chon dap an (D) O
Cau 17.10.
Cho ham s6 y = f(r) lién tuc tréen R va c¢6 do thi nhu hinh bén. Phuong v
trinh f(z) = 7 ¢6 bao nhiéu nghiém thuc phan biét? N
A L B. 2. C. 3. D. 4. .
1
- -1 fo1 2w
Loi giai.

S6 nghiém ctia phuong trinh f(x) = 7 bang s6 giao diém ctia dudng thang y = = va dd thi ham

s6y=f(x).

Dua vao do thi ta thay duong thang y = 7 cat do thi tai 4 diém phan biét nén phuong trinh c6

4 nghiém phan biét.

Chon dép an (D) O
Cau 17.11.
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Do thi ¢ hinh bén 1a ctia ham s6 y = 2* — 222 — 3. V6i gia tri ndo clia v

m thi phuong trinh 2* — 222 +m = 0 c6 ba nghiém phan biét?
A.m=-3. B. m=—-4. C. m=0. D. m=4.
Loi giai.

PT < 2* — 222 —3 = —m — 3. S6 nghiém ctia phuong trinh bing s6 giao diém ctia dd thi ham s6
y = x* — 222 — 3 va duong thang y = —m — 3. Dua vio do thi ham s6 ta c6 phuong trinh c6 ba
nghiém phan biét khi —m —3=-3 < m =0.

Chon dap an (C) U

AN

Cau 17.12. 8

Cho ham s6 y = f(z) xac dinh, lién tyc trén R va T |—oo 1 3 ool On

c6 bang bién thién nhu hinh vé. S6 nghiem cta Y L0 - + o

. PN ~N

phuong trinh f(z) +2 =0 la 9 TS E

A. 2. B. 0. C. 1 D. 3.

y / \ / O

—00 —2 —

(ol

Loi giai. AaLl-

_ ) I

) x=ux9 € (—00;1)

Ta thay f(z)+2=0< f(z) = -2 < D

r=3. Z

Vay phuong trinh f(x) +2 =0 c¢6 2 nghiém. \<6

Chon dap an (A) O

I

Cau 17.13. —

D6 thi 6 hinh ben 1a cia ham s6 y = o — 322 — 3. V6i gid tri nao ciia y &

m thi phuong trinh 2% — 322 + m = 0 ¢6 ba nghiém phan biét? / x 5

A.m=—-4. B. m=0. C. m=-3. D.m=4. —
Lot gisi.

Ta ¢6
=32 +m=0ea2t—32—-3=—m—3. (1)

S6 nghiém ctia phuong trinh (1) bing s6 giao diem ctia do thi y = 2* — 322 —3 vy = —m — 3.
Phuong trinh (1) ¢6 ba nghiém phan biét khi

-m—-3=-3m=0.
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Chon dap an O]
Cau 17.14. Cho ham s6 y = f(z) c¢6 bang bién thién nhu hinh vé.

T —00 -1 3 +00
' + 0 — 0 +
4 +00
—00 —2

S6 nghiém ctia phuong trinh f(z) +2 =0 la

A 1. B. 2. C. 3. D.o.
Loi giai.
Phuong trinh f(z) +2 =0 < f(z) = —2. S6 nghiém phuong trinh da cho 14 s6 giao diém ctia do
thi ham s6 y = f(z) v6i duong thang y = —2. Dyta vao bang bién thién ta thay s6 giao diém nay
bang 2 nén phuong trinh da cho c6 hai nghiém.
Chon dép an O

Cau 17.15. Cho ham s6 y = 2% — 222 — 3 ¢6 do thi ham s6 nhu hinh bén dudi. Vé6i gia tri nao
ciia tham s6 m phuong trinh 2% — 222 — 3 = 2m — 4 ¢6 hai nghiém phan biet?

m =0 1 m=0
A. 1- B.0<m< =. C. 1- D.m

IN
l\D.I —

Lai giai.

S6 nghiém ctia phuong trinh z* — 222 —3 = 2m —4 bang s6 giao diém ctlia duong thang y = 2m—4
va do thi ham s6 y = 2* — 222 — 3.

Dira vao do thi ta c6 phuong trinh 2% — 222 — 3 = 2m — 4 ¢6 hai nghiém phan biét khi va chi khi

= 1-
2m —4 > -3 m > —

[2m44 m =0
2

Chon dap an @ O

1 1
CAU 18. Néu / f(x)dz = 4 thi / 2f(z)dz = 4 bang
0 0

A. 16. B. 4. C. 2. D. 8.
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L&i giai.

1 1
Ta co: /Qf(x)dx:2/f(x)dx:2.4:8.
0

0
Chon dap an @

2 5 5
Cau 18.1. Néu /f :3,/f(x r = —1 thi /f )dz bang
1 2 1
A. 3. . 4. . D. -2.
Lo giai.

Theo tinh chat tich phan

5 2 5
/}@mm:/}@mm+!f@mm:3+em:z

Chon dap an (C)

5 7 7
Cau 18.2. Néu /f(:r;)dx =3va /f(x)dx =9 thi /f )dz bing bao nhieu?
2 5 2

A. 3. B. 6. D. —6.

Lai giai.

7 5 7
Ta C(’)/f(x)dxz/f(x)dx—k/f )dr =3+9 =12,
2 2 )

Chon dap an @

5
Cau 18.3. Néu / = Inc véi ¢ € Q thi gia tri clia ¢ bang
1

[

A~

O
LUYEN THI TOT NGHIEP THPT 2019-2020

Pe
A

A. 9. . 3. C. 6. D. 81. <

Loi giai.
y 5
1
o _ —In |2z —1]| =1In3.

2r—1 2 X
1
Vay ¢ = 3.
Chon dap an O]

5
Cau 18.4. Néu / =Inc v6i ¢ € Q thi gia tri clia ¢ bang
1

A.9. . 3. C. 6. D. 81.

Loi giai.
y 5
dx 1

/235—1 y 2 ‘1 ns
1
Vay ¢ = 3.
Chon dap an (B) O]
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5
Cau 18.5. Néu / = Inc v6i ¢ € Q thi gia tri clia ¢ bang
1

A.9. . 3. C. 6. D. 81.
Loi giai.
y 5
dr :11n|2x—1| =In3.
2r—1 2 ,
1
Vay ¢ = 3.
Chon dap an O
2 5 5
Cau 18.6. Néu /f(:c)dx:B, /f( r=—1 thi /f )dz bang
1 2 1
A. 2. B. 2. C. 3. D. 4.
Loi giai.

5 2 5
Tac()/f(a:)dx:/f(a:)dx—i—/f(x)d:c:?)—1:2.
1 1 2

Chon dap an O]

3 3
Cau 18.7. Cho ham s6 f(x) lién tuc trén doan [0;3]. Néu /f dr = 2 thi tich phan /[x —
0 0

3f(z)]dz c6 gia tri bang

3 3
A. -3. B. 3. C. 3 D. —3
Loi giai.
3 3 3
) 1 43 9 3
Taco [[x—3f(z)de = | xde -3 [ f(z)de ==z ) —6==-—6=—-.
2 o 2 2
0 0 0
Chon dap an @ O

3 3
Cau 18.8. Cho ham s6 f(x) lién tuc trén doan [0;3]. Néu /f )dz = 2 thi tich phan /[x —
0 0

3f(z)]dz c6 gia tri bang

3 3
A. -3 B. 3. C. 3 D. —5
Loi giai.
3 3
Ta cé [ [z —3f(x)dz zdr —3 | f(x 3—6—9—6——§
o 2 2
0 0
Chon dap an @ O

Cau 18.9. Cho céc s6 thyc a, b (a < b). Néu ham s6 y = f(x) c6 dao ham la ham lién tuc trén
R thi
b

A [ f@)ae= @) - 1o B. [ fa)de = 10) - fla)
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b
c /f@wx=ﬂ@—f@' D:/ﬂ@dwéﬂw—fm)

Li giai.
b b
Ewé/fwmwzﬂ@ — 1) - /(@)
Chon dap an O]
CAU 19. S6 phiic lien hop ciia s6 phtic z = 2+ 1
A z=-2+1.. B z=-2-i C.z=2—-.i D.z=2+i.
Li giai.

S6 phtc lién hop clia s6 phitc z =240 va z = 2 —i.
Chon dap an @

O

Cau 19.1. Cho s6 phtic z théa man z = 3+ 2i. Tim phan thiic va phan 4o ctia s6 phiic 2.

A

A. Phan thiic biang —3, phan 4o bang 2. B. Phan thic bing 3, phan 4o biang 2.

C. Phan thyc bang 3, phan 4o bang —2. D. Phan thuyc bang —3, phan 4o bang —2.
Li giai.
ViZ=3+2= z=23—2i. Do d6 sb phiic z c6 phan thic bang 3, phan 4o bang —2.
Chon dap an @ O
Cau 19.2. Phan thyc va phan 4o ctia s6 phiic z = 1 4 2i lan lugt 1

A.1va2. B. 1vai. C. 1 va 2i. D.2val.
Loi giai.
S6 phiic z c¢6 phan thuc 1a 1 va phan 4o 1a 2.
Chon dap an @ D\
Cau 19.3. S6 phtc lien hop cla z = 4 + 3i 1

A zZ=-3+4. B.z=4-3i. C.z=3+4. D.z=3- 4.
Loi giai.

~

S6 phiic lien hgp clla 2 =4 +3i 1a 7 =4 — 3.
Chon dap an

Cau 19.4. Tim phan thuc va phan 4o ciia s6 phiic lien hop ciia s6 phiic z = 1 + .

O

A. Phan thyc 1 1, phan 4o 1a —1. B. Phan thuc 1 1, phan 4o 1a —i.
C. Phan thyc 1a 1, phan 4o 1a 1. D. Phan thyec 1a 1, phan 4o 13 i.
Li giai.
zZ =1 —1, phan thuc bang 1, phan 4o bang —1.
Chon dap an @ O
Cau 19.5. Tim phan 4o ciia s6 phtic z = 5 — 8i.
A. 8. B. -8i. C. 5. D. -8.
Li giai.

Theo sach gido khoa ta thay z ¢6 phan 4o la —8.
Chon dap an @ 0

Cau 19.6. Tim phan 4o ctia s6 phtic z = 8 — 12i.
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A —12. B. 18. C. 12. D. —12.

Loi giai.
Phan 4o clia s6 phiic z = 8 — 12 1a —12.
Chon dap an @ O
Cau 19.7. Tim s6 phiic lien hgp clia clia s6 2 = 5 + 1.
A z=5—1. B.z=-5-1i. C.zZ=5+1. D.z=-5+i.
Loi giai.
S6 phiic lien hgp clia ctia s6 a + bi & a — bi. Do d6 Z =5 —i.
Chon dap an @ O
Cau 19.8. Tinh mo-dun ciia s6 phiic z = 3 + 4i.
A. 3. B. 5. C. 7 D. V7.
Loi giai.
Ta c6 |z| = V32 + 42 = 5.
Chon dap an O
Cau 19.9. S6 phiic lién hop ciia s6 phiic z = 6 — 44 13
A z=—-6+4. B. z2=4+6.. C. z=06+4i. D. z=-6—4i.
Lo gisi.
S6 phtec lien hgp clia s6 phiic 6 — 4i 1a 6 + 44.
Chon dép an (C) O
Cau 19.10. Cho s6 phiic z = 2 +i. S6 phiic lién hop Z c6 phan thuc, phan 4o lan lugt 1a
A 2val. B. —2va —1. C. —2val. D. 2va —1.
Loi giai.
2=2+i=7%=2—1. Vay Z c6 phan thyc, phan 3o lan luct 1a 2 va —1.
Chon dap an @ O
CAU 20. Cho hai sb phiic z; = 2+ vA 25 = 1 + 3i . Phan thuc ciia sd phic 21 + 22 bing
A. 1. B. 3. C. 4. D. -2.
Loi giai.
Ta c6 21 + 20 = 3 + 4.
Chon dap an O]
Cau 20.1. Cho hai s6 phtic z; = 3+1i, 2o = 2—i. Tinh gia tri clia biéu thitc P = |21+ 21 - 22/
A. P =285. B. P=5. C. P =50. D. P =10.
Loi giai.

Ta co Z1-22:(3+i)(2—i):7—i:>Z1+Z1-22:3+i+7—i:10.
Suy ra P = |z1 + 21 - 22| = 10.

Chon dap an @ O
Cau 20.2. Cho hai s6 phtic 21 = —1+2i, zp = —1—2i. Gi4 tri ctia biéu thitc |z |* +|z2|* bing

A. V10. B. 10. C. —6. D. 4.
Loi giai.

Ta 6 [21] = \/(—1)2 + 22 = V/5; |2 = \/(—1)% + (=2) = V5.
21 + |20)? = (\/5) + (\/5) = 10.
Chon dap an (B) O]
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Cau 20.3. Cho hai s6 phtic z; = 1 — 2 va 25 = 3+ 44. Tim diém M biéu dién s6 phtc 2.z trén

mit phang toa do.

A M(—2:11). B. M(~2;-11). C. M(11;-2). D. M(11:2).
Lai giai.
Ta ¢6 2120 = (1 — 20)(3 + 4i) = 11 — 2i.
Vay M(11; —2).
Chon dap an @
(ﬁu2&&(momu%pmmn:1+%w@:3—ﬁﬁm&ﬁmmz:gz
1
17 17 17 17
A z=—+ 1 B.:=_+ i C..=-—1i D.:=—— + -
T 10 T R ‘575 ST
Lai giai.
I )1 -2) 1-7 1
Taco =2 =22 o B D _ 7Z:——zi.

2 aom (+2)(1-20) 5 5 5
Chon dap an @

Cau 20.5. Cho hai s6 phtic z; = 2 — 7i Vi 29 = —4 + i. Diém biéu dién s6 phic z; + 2o trén mit

phang toa do la diém nao dudi day?
A. Q(—2;-6). B. P(—5;-3). C. N(6;-8). D. M(3;-11).
Loi giai.

Ta c6 21 + 22 = —2 — 6i. Vay diém biéu dién z; + 2, trén mit phang toa do la diem Q(—2;—06).

Chon dap an @

Cau 20.6. Cho hai s6 phiic z; = 1+ 2i v 25 = 2 —3i. Phan 4o clia sd phiic w = 321 — 22 1
A. 11. B. 12. C. 1. D. 12i.

Loi giai.

Ta ¢6 w = 321 — 225 = 3(1 + 2i) — 2(2 — 3i) = —1 + 12i.

Vay phan o ciia s6 phiic w & 12.

Chon dap an

Cau 20.7. Cho hai s6 phtic z; = 5—7i, 20 = 2—i. Mo-dun clia hiéu hai s6 phtic da cho bang

Al |z — 2] = 3v/5. B. |21 — 22| = 45.
C. |21—22‘:\/1 3. D. ’21—22‘:\/7_4—\/5.
Loi giai.

Ta co 21—22:3—6i:>|21—22|:\/9+36:3\/g.
Chon dap én@

Cau 20.8. Cho hai s6 phtic z; = 5—7i, 20 = 2—i. Mo-dun ctia hiéu hai s6 phtic da cho bang

Al |z — 2| = 3v/5. B. |z1 — 22| = 45.
C. |21—22|:\/1 3. D. ’21—22‘:\/ﬂ—\/5.
L&i gidi.

Ta c6 21 — 22 =3 — 6i = |21 — 22| = V9 + 36 = 3V/5.
Chon dap én@
Cau 20.9. Cho hai s6 phtic 21 = 2 + 3i V& 290 = —4 — 5i. Tim s6 phiic z = 21 + 2o.
A 2=2+2i. B z2=-2-2i. C.z2=2-2i. D.z=-2+2i.
Lo gidi.
Ta c6 21 + 20 = (24 3i) + (—4 — 5i) = —2 — 2i.

O

A~

Pe
A

O
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Chon dap an O]

Cau 20.10. Cho hai s6 phiic z = 3 — 5i vA w = —1 + 2i. Diém bicu dién s6 phiic 2/ =z —w - 2
trong mat phang Ozy c6 toa do 1

A. (—4;-6). B. (4:6). C. (4;,-6). D. (=6;—4).
Loi giai.
Ta co

2 =z7—w-z

=3 +5i — (—1+42i) - (3 —5i)
=3 +5i — (T+ 114)

= —4 — 61.

Chon dap an @ O]
Cau 20.11. Cho hai s6 phtic 21 =3 — 7i v 23 = 2+ 3i. Tim s6 phiic z = 21 + 2.

A z=1-10:. B. =5 4. C. z=3-10:. D. z=3+3i.
Léri giai.
Tacoz=21+20=3-T7Ti+2+3i=5— 4.
Chon dap an O]
Cau 20.12. Cho hai s6 phtic: 23 = 1 — 2i, 20 = 2 + 3i. Tim s6 phiic w = 2 — 22.

A w=-3+8i. B.w=-5+1. C. w=-3-28i. D w=-3+1.
Li giai.
Ta cow =2 —220=(1—-2i) —2(2+ 3i) = —3 — 8i.
Chon dap an @ O]
Cau 20.13. Cho hai s6 phiic 21 = 5 — 7i, 20 = 2 —i. Mo-dun ctia hiéu hai s6 phic da cho
bang

A |z — 2| = 3v/5. B. |z1 — 29| = 45.

C. |21 — 2| = V113. D. |21 — 2| = V74 — V/5.
Loi giai.
Ta co zl—z2:3—6i:>|zl—z2|:\/m:3\/g.
Chon dap an @ O
Cau 20.14. Cho hai s6 phtic z; = 2+ 3i V& 29 = —4 — 5. Tim s6 phiic z = 21 + 2.

A 2=2+2i. B. 2=-2-2i. C.z2=2-2i. D.z2=-2+2i.
Loi giai.
Ta ¢6 21 + 20 = (2 + 30) + (—4 — 5i) = —2 — 2i.
Chon dap an O
Cau 20.15. Cho hai s6 phtic: z; = 1 — 2, 20 = 24 3i. Tim s6 phtic w = z; — 229.

A w=-3+8i. B.w=-5+1. C. w=-3-28i. D w=-3+1.
Lo gisi.
Ta ¢6 w = 21 — 220 = (1 — 2i) — 2(2 + 3i) = —3 — 8i.
Chon dap an (C) O]
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CAU 21. Trén mit phing toa do, diém biéu dién s6 phtic z = —1+2i 1a diém nao duéi day?

A. Q(1;2). B. P(-1;2). C. N(1;-2). D. M(-1;-2).
Laoi giai.
Diém biéu dién ctia s6 phitc z = —1 + 2i 1a diém P(—1;2).
Chon dap an n

Cau 21.1. Trén mit phing toa do, tap hop diém biéu dién sé phic z théa méan diéu kien
|z + 2 — 5i| = 6 1a dudng tron ¢6 tam I va ban kinh R lan lugt 1a

A. I(~2;5) vd R = 36. B. I(—2;5) vd R =6.
C. I(2;—5) va R = 36. D. I(2;-5) vd R = 6.
Loi giai.

Goi z =z +1iy (z,y €R). Ta cd |z +2—5i| =6 < (v +2)% + (y — 5)? = 36.

Suy ra tap hop diém biéu dién z 1a dudng tron cé tam I(—2;5) va ban kinh R = 6.
Chon dap an

Cau 21.2. Cho s6 phiic z = 4 — 3i ¢6 diém biéu dién trén mat phang toa do Ozy la M. Tinh
do dai OM.

O

A. 5. B. 25. C. V7. D. 4.
Loi giai.
TacéOM:|z|:\/m:5.
Chon dap an @ O]
Cau 21.3. Cho s6 phtic z = 6 + 17i. Diém biéu dién cho s6 phtic z trén mat phang toa do Oxy,
1a

A. M(-6;-17). B. M(-17;-6). C. M(17;6). D. M(6;17).
Loi giai.
Diém biéu dién cho s6 phtic z trén mit phang toa do Ozy 1a M(6;17). h
Chon dap an @ O
Cau 21.4.
Trén mat phang toa do Ozy cho diém M trong hinh vé bén 14 diém biéu dién Y ‘
ctia s6 phitc z. Tim z. 3

A 2=-4+43i. B.z=-3+4i. C.z2=3-4. D. 2z =3+ 4. O i

S/ S ‘M

Loi giai.
Diém M c6 toa do 1a M (3; —4) = diém M biéu dién s6 phiic z = 3 — 4i.
Chon dap an @ O]
Cau 21.5. S6 phiic duge biéu dién béi diém M(2; —1) 1a

A2+, B. 1+ 2. C.2—1. D. -1+ 2i.
Loi giai.
S6 phiic ¢6 diém biéu dién bdi M(2; —1) trén mat phiang toa do 1a 2 — .
Chon dap an (C) O]
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Cau 21.6.

Trén mit phang toa do, s6 phiic z = 3 — 4i dudc bicu dién béi diem y A
nao trong cac diem A, B, C, D? B o I I
A.Diém D. B.Diém B. C.Diém A.  D. Diém C. vt i 1
i 4 i 3
ol
e
/S -
D
Loi giai.
Ta c6 z = 3 — 4i nén diém bicu dién sé phiic z 1a D(3; —4).
Chon dap an (A) O
Cau 21.7.
S6 phiic nao dusi day co diem bicéu dién trén miat phing toa do 1a diém y
M nhu hinh bén?
A 1-2. B.i+2. C.i—2. D. 1+ 2i.
T
-9 -
M
Loi giai.
Vi M (1;—2) nén M la diém biéu dién clia s6 phiic z = 1 — 2.
Chon dap an @ O]
Cau 21.8. Diém M biéu dién sb phiic z = 2 — i trén mat phang toa do Ozy la
A. M= (1;-2). B. M =(2;-1). C. M=(-2;1). D. M =(2;1).
Loi giai.
S6 phitc z = 2 — i c6 diem biéu dién 1a M = (2; —1).
Chon dap an O
Cau 21.9. S6 phiic z thda man z = 1 — 2i dugc biéu dién trén mit phang toa do bdi diém nao
sau?
A Q(—1;,-2). B. M(1;2). C. P(—1;2). D. N(1;-2).
Loi giai.
Tac6z=1—2i = z=1+2i. Khi d6 s6 phtic z dugc biéu dién trén mit phang toa do bdi diém
M(1;2).
Chon dap an ]

Cau 21.10. Cho sb phiic z = 1 — 2i, diém M biéu dién s6 phiic Z trén mat phang toa do Oxy

cO toa do la

A. M (2;1). B. M (1;2). C. M (1;-2). D. M (-1;2).
Loi giai.
Tacoz=1-2=2=1+2= M(1;2).
Chon dap an (B) O]
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Cau 21.11.
Trén mit phing toa do, s6 phiic z = 3 — 4i dugc biéu dién bsi Y
diém nao trong cac diéem A, B, C, D? B

A.Diém D. B. Diém B. C.Diém A. D. Diém C.

. -3
C
S G
Loi giai.
Trén mat phang toa do, sd phitc z = 3 — 4i duge biéu dién béi diem c6 toa do 1a D(3; —4).
Chon dap an @ O

CAU 22. Trong khong gian Oxyz.hinh chiéu vuong goc ciia diém M(2;1; —1) trén mat phang
(Ozx) c6 toa do la

A. (0;1;0). B. (2;1;0). C. (0;1;-1). D. (2;0;-1).
Loi giai.
Hinh chiéu ctia M(2;1; —1) lén mit phang Oz 1a diém (2;0; —1).
Chon dap an @ O
Cau 22.1. Trong khong gian Oxyz , cho diém A(—1;2;3). Hinh chiéu vuong goc ciia diém A
trén truc Oz la diém ¢
A. Q(—1;0;3). B. M(0;0;3). C. P(0;2;3). D. N(-1;0;0).
Loi giai.

Hinh chiéu vuéng goc ciia diém A(—1;2;3) lén truc Oz la diém M (0;0; 3).
Chon dap an

Cau 22.2. Trong khong gian Ozyz, hinh chiéu vuong goc ciia diem A(2;3;4) len truc Oz la
diém nao dudi day?

2
A

O
LUYEN THI TOT NGHIEP THPT 2019-2020

~

A. M(2;0;0). B. M(0;3;0). C. M(0;0;4). D. M(0;2;3).
Loi giai.
Hinh chiéu vuoéng géc clia diém A(2;3;4) 1a diém M(2;0;0).
Chon dap an @ L]

Cau 22.3. Trong khong gian Ozyz, hinh chiéu vuong goc ciia diém A(2;3;4) len truc Oz la
diém nao dudi day?

A. M(2;0;0). B. M(0;3;0). C. M(0;0;4). D. M(0;2;3).
Loi giai.
Hinh chiéu vuong géc ciia diem A(2;3;4) 1a diém M (2;0;0).
Chon dap an @ O
Cau 22.4. Trong khong gian toa do Ozyz, toa do diem G’ d6i xtng v6i diém G(5; —3;7) qua
truc Oy la

A. G'(-5;0;-T). B. G'(—5;-3;-7). C. G'(5;3;7). D. G'(-5;3; 7).
Lo giai.
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Hinh chiéu vudng goc ciia diém G(5;—3;7) len truc Oy la H(0; —3;0).

Vi G’ dbi xting véi G qua truc Oy nén H la trung diém ctia doan GG’ nén toa do cta diem G
Tqr =2rg —rg = —95

& ¢ yer =2yn —ya = -3
2qr =2z — 2 = — 1.

Vay toa do diém G'(—5; —3; 7).

Chon dap an ]

Cau 22.5. Trong khong gian véi hé toa do Ozyz, toa do hinh chiéu vuong géc clta diém
A(2;—1;0) lén miat phang (P): 3z —2y+2z+6 =0 la

A (1;1;1). B. (—1;1;-1). C. (3;-2;1). D. (5;-3;1).
Loi giai.
Goi H(x;y; —6—3z+2y) 1a hinh chiéu ctia A lén miit phang P. Ta cé AH = (x—2;y+1; —6—3x+2y).
Do AH L (P) nén hai véc-to AH va 7 p cung phuong. Suy ra ta ¢6 hé phuong trinh xT—Q =
y+1:—6—3x+2y. (1)

—2 1
Giai hé (1) ta thu dugc mot nghiém la (—1;1; —1).

Chon dap an O

Cau 22.6. Trong khong gian vé6i hé toa do Oxyz, hinh chiéu vuong goc clia diem M(3;2;1) trén

Oz ¢6 toa do la
A. (0;0;1). B. (3;0;0). C. (=3;0;0). D. (0;2;0).
Loi giai.
Hinh chiéu vuéng goc ciia diem M(3;2;1) trén Oz c6 toa do 1a (3;0;0).
Chon dap an O]

Cau 22.7. Trong khong gian Ozyz, cho diém M (3;2; —1). Hinh chiéu vuong goc clia diem M
len truc Oz la diém

A. Ms5(3;0;0). B. M4(0;2;0). C. M; (0;0;—1). D. M5 (3;2;0).
Loi giai.
Hinh chiéu vuong géc clia diem M (3;2; —1) lén truc Oz la diém M; (0;0; —1).
Chon dap an (C) O

Cau 22.8. Trong khong gian Oxyz, cho diém M (3;2; —1). Hinh chiéu vuong goc clia diem M
len truc Oz la diém

A. Ms5(3;0;0). B. M,y (0;2;0). C. M;(0;0;—1). D. M (3;2;0).
Loi giai.
Hinh chiéu vuong goc ciia diém M (3;2; —1) len truc Oz la diém M (0;0; —1).
Chon dap an (C) O

Cau 22.9. Trong khong gian Ozyz, cho diém A(1; —2;3). Hinh chiéu vuong géc ctia diem A lén
mat phang (Ozxy) la diéem M c6 toa do

A. M(1;-2;0). B. M(0;-2;3). C. M(1;0;3). D. M(2;-1;0).
Loi giai.
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Goi M (a;b;0) 1a diém thuoc mat phang (Ozy). Ta cb AM = (a—1;b+2;-3).
Mit phéng (Ozy) c6 vée-to phap tuyén 1a & = (0;0;1).
Vi M 1a hinh chiéu ctia A lén mit phang (Ozy) nén hai véc-to AM va cung phuong. Do do,

a—1=0 a=1
ta co =
b+2=0 b= —-2.

Vay M(1;—-2;0).
Chon dap an @ O]
Cau 22.10. Trong khong gian Ozyz, diem N déi xing véi diem M (3; —1;2) qua truc Oy la
A. N(-3;1;-2). B. N(3;1;-2). C. N(-3;-1;-2). D. N(3;-1;-2).
Loi giai.

Hinh chiéu vuong goc ctia diém M (3; —1;2) trén truc Oy la H(0; —1;0). Toa do diém N déi xing
v6i diem M (3; —1;2) qua truc Oy la

.Z‘N:2$H—3:'M:2-0—3:—3

ynv =2y —yn =2 (=1) = (1) = =1 = N(=3;-1;-2).

ZNZQZH—ZMZQ-O—QZ—Q

O

LUYEN THI TOT NGHIEP THPT 2019-2020

Chon dap an @
Cau 22.11. Trong khong gian véi hé toa do Ozyz, cho diem A(1;2; —3). Goi M 1a hinh chiéu

vuong goc clia diem A trén truc hoanh. Tim toa do diem M .
A. M(0;2;-3). B. M(0;2;0). C. M(0;0;-3). D. M(1;0;0).
Loi giai.

A~

Do M la hinh chiéu vuéng goc ciia diém A trén truc hoanh nén M(1;0;0).
Chon dap an @

L]

A

CAU 23. Trong khong gian Ozyz, cho mit cau (S) : (z — 2)2+ (y +4)2 + (z — 1)? = 9. Tam ciia
(S) c6 toa do la

A (—2;4;-1). B. (2;-4;1). C. (2;4;1). D. (-2;—4;-1).
Lok gidi.

~

Tam ctia mat cau (S) co toa do (2; —4;1).
Chon dap an O]
Cau 23.1. Trong khong gian Oxyx, cho mit cau (S): (z —2)2 + (y+1)? + (z — 1)> = 9. Tim toa
do tam I va ban kinh R ctia mit cau (9).

A I1(-21,-1),R=3. B.1(-2;1;-1),R=9. C. I(2;-1;1),R=3. D. I(2;-1;1),R=09.
Loi giai.
Ta c6 toa do tam I(2;—1;1) va ban kinh R = 3.

Chon dap an (C) O

Cau 23.2. Trong khong gian véi hé toa do Ozyz, cho mat cau c6 phuong trinh 22 + ¢2 + 22 —
2x +4y — 624+ 9 = 0. Toa do tam I va ban kinh R ciia mit cau 1a

A.T(1;-2;3) vi R=5. B. I(1;-2;3) vi R = /5.

C.I1(-1;2;-3)vda R=5. D. 1(-1;2;-3) vd R = /5.
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Loi giai.
Mat cau 2?2 +y? + 22 —22+4y —62+9 =0 c6 tam I (1; —2;3) va ban kinh R = /1 +4+9 — 9 = /5.
Chon dap an @ O

Cau 23.3. Trong khong gian véi hé toa do Ozyz phuong trinh nao sau day khong phai 1a
phuong trinh ctia mot mit cau?

A 22+ +22420-2y+42-3=0. B. 2224+ 22 422 —0x—y—2=0.
C.2?2+9y2+22—20+4y—42+10=0. D. 222 +2y2 + 222 + 40+ 8y +62+3=0.
Loi giai.

Diéu kién dé phuong trinh z2 + y% + 22 — 2az — 2by — 2¢z + d = 0 1a phuong trinh mit cau la
R=a?>+0+c*—d>0.
Dira vao bon dap antaco dap an Claa=1,b=-2,c=2,d=10= R= -1 < 0.

O

Cau 23.4. Trong khong gian Ozyz, cho hai diém A(—2;1;1), B(0; —1;1). Phuong trinh mat cau
duong kinh AB la
A (z4+1)%+y2+ (z—1)°
C.(z+1)°+2+(z+1)
Loi giai.
Phuong phap: Phuong trinh mat cau ¢6 tam I(a;b; c), ban kinh R 1a (v —a)2+(y—b)?+(2—c)? =
R2.
Cach giai: Tam mat cau la trung diém ctia AB, c6 toa do 1a I(—1;0;1).
Béan kinh mat cau: R =TA = V12 + 12 + 02 = /2.
Phuong trinh mét cau duong kinh AB: (x 4+ 1)? + 92 + (z — 1)? = 2.
Chon dap an O

Cau 23.5. Trong khong gian véi hé toa do Oxyz, cho mit cau (S) : 224-y?+ 22 —4x+2y+62—1 = 0.

8. . .
8. D.(z -1+ + (-1 =2

Tam ctia mat cau (9) 1a

A T(2;-1;3). B. I(-2;1;3). C. I(2;—1;-3). D. 1(2:1;-3).
LJi giai.
Mat cau (S) ¢6 tam I (2;—1;-3).
Chon dap an @ n

Cau 23.6. Trong khong gian Ozyz, mit cau c6 tam I (1;2; —3) va tiép xic véi truc Oy c6 ban
kinh bang

A. V/10. B. 2. C. V5. D. V13.
Loi giai.
Goi H 1a hinh chiéu vuong goc ctia tam I (1;2; —3) trén truc Oy = H (0;2;0) = IH = /10.
Goi R 1a ban kinh mat cau c6 tam I (1;2; —3) va tiép xtc véi truc Oy = R = IH = /10.
Chon dap an @ O
Cau 23.7. Trong khong gian Ozyz, cho mat cau (S) : 22 +y? + 22 —8x + 10y — 62 +49 = 0. Tinh
ban kinh R ctia mit cau (9).

A . R=1. B. R=T7. C. R=/151. D. R = /99.
Loi giai.
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Tacba=4,b=-5¢c=3,d=49. Dod6 R=Va2+b2+c2—d=1.
Chondépén@ O

Cau 23.8. Trong khong gian véi hé truc toa do Oxyz, mat cau tam I(2;—2;3) di qua diém
A(5;—=2;1) ¢6 phuong trinh

A (252 +(@y—22%+(2+1)? =13, B. (z+2)?+ (y—2)?+ (2 +3) = 13.
C.(z—22+{y+2)?+(—3)?=13. D. (z —2)?2+ (y+2)? + (z — 3)? = V13.
L&i gii.

Mét cau ¢6 ban kinh R = T4 = /13,
Mat cau tam 7(2;—2;3) ban kinh R = V13 1a (v — 2)? + (y + 2)? + (2 — 3)% = 13.
Chon dap an (C) O

Cau 23.9. Trong khong gian Oxyz, cho mat cau (9): 22 4 y? + 22 — 82 + 10y — 62 +49 = 0. Tim
toa do tam I va ban kinh R ctia mat cau (S).

A. I(—4;5;-3) va R=1. B. I(4;,-5;3) va R=1T. o

C.I(-4;5;-3) va R=T. D. I(4;-5;3) va R=1. S
Loi giai. AN
(S):(x—4)2+(y+572+(—3)2=1= I(4—5;3) va R= 1. =)
Chon dap an @ Dg
Cau 23.10. Trong khong gian v6i hé toa do Oxyz, cho mit cau (S) c6 phuong trinh %
22 +y? + 22 — 22 — 4y + 42— 7= 0. Xac dinh toa do tam I va ban kinh R clia mat cau (S). —

A.I(-1;,-2;2), R=3. B. 1(1;2;-2), R = 2. &-

C. I(-1;-2;2), R=4. D. I(1;2;-2), R=4. L
Loi giai. (ZD
Tacoa=1,b=2c=—-2va Va2 +b2+c2—d=4nén I(1;2;-2) va R = 4. —
Chon dap an @ D\<Q
Cau 23.11. Trong khong gian v6i hé toa do Oxyz, cho diém I(2; —2;0). Viét phuong trinh mit E
cau tam I ban kinh R = 4. Z

LLl-

A (24+2)2%+ (y—2)2+ 22 =4 B. (z+2)%+ (y—2)?2+2:2=16. >

C.(z—22+(y+2)?2+22=16. D. (z-22%+(y+2)?2+:2=4. =
Loi giai.
Phuong trinh m#t cau ¢6 tam (2; —2;0) va ban kinh R =4 1a

(r —2)% + (y +2)* + 2% = 16.

Chon dap an (C) O

Cau 23.12. Trong khong gian véi hé toa do Oxyz, cho mat cau (S) : (z—5)24(y—1)?+(2+2)? = 9.
Tinh ban kinh R ctia mit cau (9).

A. R=18. B. R=09. C. R=3. D. R=6.
Li giai.
Mt cau (S) ¢6 tam I(a;b;c) va ban kinh R thi c6 phuong trinh (z —a)? + (y — b)?+ (2 — ¢)? = R%.
Theo dé bai ta c6 R? =9 = R = 3.
Chon dap an (C) O]

Bién soan € suu tam: Ths Nguyén Chin Em Trang 79


https://www.facebook.com/groups/GeoGebraPro/

https:/ /www.facebook.com/groups/GeoGebraPro/

CAU 24. Trong khong gian Ozyz, cho mét phang (P) : 2  + 3y + z + 2 = 0. Vecto nao dudi
day 13 mot vecto phap tuyén cta (P) ?

A. 15 =(2;3;2). B. 71 =(2;3;0). . C. ny=1(2;3;1). D. 74 = (2;0;3).
Lai giai.
Vecto phap tuyén cia (P) 1a 71 = (2;3;1).
Chon dap an @ O]

Cau 24.1. Trong khong gian Ozyz, cho mit phang (P): = — 2z 4+ 1 = 0. Vecto nao duéi day 1a
mot vecto phap tuyén ctia (P)?

A nf = (1;0;-2). B. 5 = (1;-2;1). C. 7 = (1;-2;0). D. i} = (—1;2;0).
Loi giai.
Vecto phap tuyén cta (P) 1a @ = (1;0; —2).
Chon dap an @ 0

Cau 24.2. Trong khong gian Ozyz, cho mit phang () : z — 2y + 2z — 3 = 0. Diém ndo sau day
nam trén mit phang (a)?

A. M(2;0;1). B. Q(2;1;1). C. P(2;-1;1). D. N(1;0;1).
Loi giai.
Ta thay toa do diém N(1;0;1) théa man phuong trinh mat phang (o) nén diém N nam trén ().
Chon déap an (D) O

Cau 24.3. Trong khong gian Ozyz, cho diém A(1;1; —1). Phuong trinh mit phang (P) di qua
A va chta truc Oz la

A z+y=0. B.z+2=0. C.y—z=0. D.y+z=0.
Loi giai.
Mp(P) c6 vtpt 7 = (0;1;1) va di qua diém A(1;1; —1). Suy ra phuong trinh (P) :y + 2z = 0.
Chon dap an @ O

Cau 24.4. Trong khong gian Ozyz cho mit phang (P): z +y — 2z + 4 = 0. Mot véc-td phéap
tuyén ctia mit phang (P) la

A. .7 =(1;1,-2). B. 7 =(1;0;-2). C. 7 =(1,-2;4). D. 7w =(1,-1;2).
Loi giai.
Phuong phap: Mit phéng (P): Az + By +Cz+ D = 0 nhan 7 = (A4; B;C) 1a 1 vec-tc phap
tuyén.

Cach giai: Mot vec-to phap tuyén ctia mit phang (P) 1a @ = (1;1; —2).

Chon dap an @ O
Cau 24.5. Trong khong gian Ozyz, mit phang (P): z + 2y — 5 = 0 nhan vec-td nao trong cac
vec-to sau lam vec-to phap tuyén?

A. 7(1;2;-5). B. 7(0;1;2). C. 7(1;2;0). D. 7(1;2;5).
Lai gidi.
Mat phang (P) nhan 7(1;2;0) lam vec-to phap tuyén.
Chon dap an @ O]
- ) 5 —1 -2 1 .2 .
CAU 25. Trong khong gian Ozyz,cho dusng thang d : z 5 = Y 5 = z_+1 . Diem nao duéi

day thuoc d?
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A. P(1;2;-1). B. M(-1;-2;1). C. N(2;3;-1). D. Q(-2;-3;1).
Loi giai.
Thay toa do diém (P) vao phuong trinh duong thang d thiy toa do théa man nén dudng thing
d di qua diém P(1;2; —1).

Chon dap an (A) O
~ R . N 2 r+8 y—5 =z C e, .
Cau 25.1. Trong khong gian Ozyz, cho duong thang d : - 5 TT Khi d6 véc-to chi
phuong clia duong thang d c6 toa do 1a
A (4,-2;1). B. (4;2;-1). C. (4;,-2;-1). D. (4;2;1).
Loi giai.
Toa do véc-to chi phuong ctia duong thing d 1a @ = (4;—2; 1).
Chon dap an @ O

Cau 25.2. Trong khong gian vé6i hé toa do Ozyz, cho mit phang (P) : 2z —y+ 2z — 1 = 0. Diém
nao dudi day thuoc (P)?

o
A M(2;-1;1). B. N(0;1;-2). C. P(1;,-2;0). D. Q(1;-3;-4). S
Loi giai. N
Ta théy Q € (P) vi 2.1 — (—3) —4—1=0 =
Chon dap an @ Dg
N R . e 1 . . 2 r—4 y—95 z—06 E
Cau 25.3. Trong khong gian v6i hé toa do Oxyz, cho duong thang d : 5 =3 = 1 T
Diém nao dudi day thuoc duong thang d? E
A. M (2;2;2). B. M (2;2;4). C. M (2;3;4). D. M (2;2;10). L-
L&i giai. P
2924 2-5 2-6 _ S B Q
Vi 5 =3 — 1 = —1 nén M (2;2;2) thuoc duong thang d. =
Chon dap an @ U<6
: —1 —2 , =
Cau 25.4. Trong khong gian Ozyz, cho dudng thang d: ’ 5 = Y T = % Diem nao dudi =
2 - —
day thuoc duong thang d? =
A. M(-1;-2;0). B. M(-1;1;2). C. M(2;1;-2). D. M(3;3;2). <§-
Loi giai. )
o —1-1 1-2 2 _ o 5 —
Ta co g =1 — 5= —1 nén M(—1;1;2) thuoc duong thang d.
Chon dap an O
Cau 25.5. Trong khong gian Ozyz, cho tam giac déu ABC v6i A(6;3;5) va dudng thang BC
r=1-—t

c6 phuong trinh tham s6 { y =2 +¢. Goi A la dudng thiang di qua trong tam G clia tam giac

z=2
ABC va vudng goc véi mit phing (ABC). Diém nao dudi day thuoc dudng thing A?
A. M(-1;-12;3). B. N(3;-2;1). C. P(0;-7;3). D. Q(1;-2;5).

Lai giai.
e Goi M(1—t;2+t;2t) 1a hinh chiéu clia A len BC.

Ta c6 AM = (=5 —t;t—1;2t —5) vuong goc v6i @ = (—1;1;2) 1a véc-to chi phuong ctia BC.
Do d6 —1(—=5—1t)+ 1(t — 1)+ 2(2t —5) =0« ¢t = 1. Suy ra M(0; 3;2).
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. N Lo ” —> 2>
e Vi ABC la tam giac deu nén M la trung diém cua BC. Suy ra AG = §AM = (G(2;3;3).

e Dudng thing A di qua G, c¢6 véc-to chi phuong 1a Wa = % [M, 17] = (1;5; -2).
r=2+1
Suy ra A: {y=3+5t. V6it=—1, ta c6 Q(1;—-2;5) € A.
z2=3—-2
Chon dap an @ O
Cau 25.6. Trong khong gian Ozyz, cho hai diém A(1;—1;0), B(0;1;1). Goi («) 1a mat phang
chita dudng théng d: g = y__—ll _ =2 va song song véi duong thang AB. Diém nao dudi day
thuoc mat phang (a)?
A. M(6;—4;-1). B. N(6;—4;2). C. P(6;—4;3). D. Q= (6;-4;1).

Loi giai.
o AB = (—1;2;1).
e Dudng thing d di qua M(0;1;2) va c¢6 véc-to chi phuong 7q = (2; —1;1).

e Mat phang (a) c6 véc-to phap tuyén la 7 = [?[d,;l_é] = (=3;-3;3) va (a) di qua M.
Phuong trinh (o) la =3(z —0) —=3(y—1)+3(z —2) =0 —ax—y+2—1=0.

e Taco —6+4+3—1=0nén P(6;—4;3) € ().

Chon dap an @ O
r=3—-3t

Cau 25.7. Trong khong gian (Ozyz), cho dudng thang A: { y =1+ 2¢t. Diém nao dudi day
z =05t

thuoc duong thing A?

A. N(0;3;5). B. M(-3;2;5). C. (P(3;1;5). D. Q(6; —-1;5).
Loi giai.
0=3-3t
Thé toa do ctia diém N(0; 3;5) vao phuong trinh tham s6 ctia duong thing A ta duge ¢ 3 =1+ 2¢.

5 =5t
Ta thay ¢ = 1 thda man hé phuong trinh.Vay diém N(0;3;5) thuoc duong thang A.
Chon dap an @ O
Cau 25.8. Trong khong gian v6i hé truc toa do Ozyz, cho hai diém A(1; —1;0), B(0;1;1). Goi
(o) 13 mat phang chita duong thang d: g = y_—ll =z I 2 va song song v6i duong thang AB.
Diém nao duéi day thuoc mat phang (a)?
A. M(6;—4;-1). B. N(6;—4;2). C. P(6;—4;3). D. Q(6;—4;1).

Loi giai.
Ta c6 AB = (—1;2;1).
Véc-to chi phuong ctia d 1a @4 = (2; —1;1).
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Suy ra [A_B’, Ud] = (3;3;-3) =3(1;1 — 1).
[AB, @4] = (1;1- 1) 1a mot véc-to phép

W =

Vi («) chia d va song song véi AB nén véc-to 1 =
tuyén clia (a).

Lai c6, diém C(0;1;2) € d = C € (a).

Do do, phuong trinh ctia () la x +y — 2+ 1=0.
Lan luot thay toa do cac diém trong cac phuong an ta duge diem P(6; —4;3) théa man.

Chon dap an @ O

CAU 26. Cho hinh chép S.ABCcé SA vuong goc véi mit phing (ABC), SA = v/2a, tam giac
AB

vuodng can tai B va AC = 2a (minh hoa nhu hinh bén). Géc gitta

duong thing SB vA mat phang (ABC) bang

A. 30°. B. 45°.

C. 60°. D. 90°.

AN C
B
Loi giai.
 SBN(ABC) o ?
Ta c6 = AB la hinh chiéu cta SB trén mat phang (ABC) ¢
SA 1 (ABC)

Suy ra (SB, (ABC)) = SBA.
Do tam giac ABC vuong tai B = AB? + BC? = AC? < 2AB? = (24)? < AB = aV/2.
Suy ra SBA = 45°.

Chon dap an

Cau 26.1. Cho hinh chép S.ABCD déu c6 SA = AB = a. Géc gitta SA va CD la
A. 60°. B. 30°. C. 90°. D. 45°.

Loi giai.

Vi AB || CD nén goc gitta SA vd CD bang goc gitta SA

va AB.

Vi SA = AB nén tam gidc SAB déu, vay goc gitta ching

bang 60°.

2
A

O
LUYEN THI TOT NGHIEP THPT 2019-2020

~

Chon dap an (A) O

Cau 26.2. Cho hinh lap phuong ABCD.A'B'C'D’. Tinh géc gitta AC’ va BD.
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A. 90°. B. 45°. C. 60°. D. 120°.
Loi giai.
Goi O’ va I lan lugt 1a tam hinh vuong ABCD va trung diém CC’. Khi dé, ta c6 10’ song song
AC'. Suy ra (AC',BD) = (I0', BD).

BD 1 AC
Ta c6 = BD L (AA'C) = BD L IO = (I0', BD) = 90°.
BD 1 AA
Chon dap an @ O

Cau 26.3. Cho ti dién déu canh a, M la trunng diém ctia BC. Tinh cosin ctia goc gitta hai
dudng thang AB va DM.

1
AV B V3 c. V3 D -.

2 6 3 2
Loi giai.
Ké MN || AB, cat AC tai trung diém N clia AC. A
Xét tam giac NM D ta co:

— MN?+ MD? — ND?
cosNMD = SNIN MDD
a? L 3a? - 3a?
_ 444 V3
5 a av3 6 D B
2 2 7
C
Chon dap an O
Cau 26.4. Cho hinh lap phuong ABCD.A'B'C'D'. Géc giita hai dusng thing BA' va CD
bang
A. 90°. B. 60°. C. 30°. D. 45°.
Loi giai.
Ta c6 CD || AB, suy ra goc gitta A'B v6i CD bang goc gitta A'B véi A B
AB, goc nay bang 45°. D E C,'//
1/4//12’ ----------- B
D’ c’

Chon dap an @ O
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Cau 26.5. Cho hinh chép S.ABCD déu c6 SA = AB = a. Géc gitta SA va CD 1a
A. 60°. B. 30°. C. 90°. D. 45°.

Li giai.

Vi AB || CD nén goc giita SA va CD bang goc gitta SA

va AB.
Vi SA = AB nén tam gidc SAB déu, vay goc gitta ching

bang 60°.

Chon dép an (A)
Cau 26.6. Cho hinh chép S.ABCD deéu c6 SA = AB = a. Goc gitta SA va CD 1a

A. 60°. B. 30°. C. 90°. D. 45°.

Li giai.
Vi AB || CD nén goc giita SA va CD bang goc gitta SA

va AB.
Vi SA = AB nén tam gidc SAB déu, vay goc gitta ching

bang 60°.

A~

2
A

HI TOT NGHIEP THPT 2019-2020

O
NT

Chon dap an @
Cau 26.7. Cho hinh lap phuong ABCD.A'B'C'D’. Géc gitta hai dudng thing BA’ va B’D/g-

bang 2
A. 45°. B. 90°. C. 30°. D. 60°.
Lai giai.
Do BD || B'D’ nén goc giita hai dudng thang BA’ va B'D’ bing B c
goc gitta hai duong thang BA’ va BD. n
Do ABCD.A'B'C’'D’ 1a hinh lap phuong nén AA’BC la tam giac A N 5
déu. Khi d6 géc A/BD = 60°. /o
Vay goc giita hai dusng thing BA’ va B'D’ biang 60°. ™
k] o
A D’
Chon dap an @ [
Cau 26.8. Cho ti dien ABCD ¢6 AB L CD, AC L BD. Géc gitta hai véc t6 AD va BC la
Trang 85
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A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai.
Vi AB 1L CD va AC 1 BD nén ta suy ra

AD-BC = (AB+BD)-(BD+DC)
— AB-BD+ AB-DC + BD*+ BD - DC
— AB-BD+0+BD?+BD-DC
= (AC+CB)-BD+BD*+BD - DC
— AC-BD+CB-BD+BD?>+BD-DC
— 0+CB-BD+BD*+BD-DC
= (CB-BD+BD-DC) + BD?

— (C_B’+DC)-BD+302
— DB-BD+ BD?
— _BD?+BD?=0.

Suy ra AD 1L BC = (@,Eﬁ) = 90°.

Chon dap an @ O

Cau 26.9. Cho hinh lap phuong ABCD.A'B'C'D'. Géc giita hai dudng thing AC va DA’
bang

A. 60°. B. 45°. C. 90°. D. 120°.
Lai giai.
Ta ¢6 (AC, DA') = (AC,CB') = ACB. A B
Xét AACB' ¢6 AC = CB' = AB' = ABV?2. AN
Do d6 AACB' la tam gidc déu. N .
Vay ACB' = 60° hay (AC, DA’) = 60°. D f— S
\)'_ ____________ N\ B
///14,
Dl C/
Chon dap an @ O

Cau 26.10. Cho tt dien ABCD vé6i day BCD la tam gidc vuong can tai C. Cac diem M, N,
P, @ lan luot 1 trung diém ctia AB, AC, BC, CD. Géc giita MN va PQ bang

A. 0°. B. 60°. C. 45°. D. 30°.
L&i giai.
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Ta c6 M N la dudng trung binh tam giac ABC nén MN || BC, do
do
(MN, PQ) = (BC, PQ).

Mat khac PQ la dudng trung binh tam gidc vuéng can BC'D suy
ra (BC, PQ) = 45°. Do d6 (M N, PQ) = 45°.

Chon dap an @ O
Cau 26.11. Cho hinh chép S.ABCD ¢6 ABCD la hinh chit nhat. Biét AB = av/2, AD = 2a,
SA 1 (ABCD) va SA = av/2. Géc gitta hai duong thing SC vi AB béng

A. 30°. B. 90°. C. 45°. D. 60°.
Loi giai.
Géc gitta hai duong thang SC vi AB bang goc giita hai dudng
thang SC va CD. Ta cé

e AC =/AB? + BC? = a\/6.
o SC =+/SA2 4+ AC? = 2aV/2.

e SD =+/SA2 + AD? = a/6.

SC*+ CD?* - SD?  8a*+2a*>—6a*> 1

2.SC-CD  2.2av2-av2 2
Vay goc gitta SC va AB bang 60°.

-

LUYEN THI TOT NGHIEP THPT 2019-2020

A~

Khi doé COSS/(777 =

— CDh a2 1
Céch khéc: C6 thé chitng minh ASCD vuong tai D. Khi d6 cos SCD = = —. h
& & SC " 2av2 2
Chon dap an @ O
Cau 26.12. <
Cho tit dien ABCD c6 AB vudng géc véi mat phang (BCD). Biét tam A
gisc BCD vuong tai ¢ va AB = a‘/é L AC = a2, CD = a. Goi E la

trung diém ctia AC' (tham khao hmh vé bén). Géc gita duong thang

AB va DE bang 5k b
A. 45°. B. 60°. C. 30°. D. 90°. ’

C

Loi giai.

Goi H la trung diém ctia BC. Vi AB || HE suy ra goc giita AB va DE A

bang goéc gita HE va DE béng DEH.

AB
Taco HE = — a\/_ HC? +CD? = 3\/_a
2y
Khi d6 tanDEﬂzﬁ:\/’;»DEHZGOO. Bk D
H

C
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Chon dap &n O

Cau 26.13.

Cho tu dién OABC c6 OA,0B,0C doi mot vuong goc véi
nhau vi OA = OB = OC. Goi M la trung diém ctia BC' (tham
khao hinh vé&). Géc giita hai dudng thang OM va AB bang

A. 90°. B. 30°. C. 45°. D. 60°.
Loi giai.
C A7 1 2 AC
Goi N la trung diem AC = MN = - A

va (OM, AB) = (OM, MN).

Do cac tam giac OAC,OBC vuoéng tai O

nén OM = BTO;ON: A—2O

Do OA, OB, 0OC dbéi mot vuong goc véi nhau

N
va OA=0B =0C nén AB = AC = BC
— OM = ON = MN = (OM, MN) = 60°. o
Vay géc giita hai dudng thang OM va AB bang 60°. B
M
C
Chon dap an @ O
CAU 27. Cho ham s6 f(x) c6 bang xét dau cta f/(z) nhu sau:
z ‘ —00 —2 0 2 +00
fl)l + 0 - 0 + 0 +
S6 diém cuc tri ctia ham sé da cho 1a
A. 3. B. 0. C. 2 D. 1.

Léri gisi.
Duya vao bang xét dau ctia f/(z) ham s6 da cho c6 2 diém cuc tri.
Chon dap an (C) O
Cau 27.1. Cho ham s6 y = f(z) xac dinh tréen R v c¢6 bang xét dau ctia dao ham nhu sau:

x —00 T T2 T3 +00

y' - 0 + - 0 +

Khi d6 s6 diém cie tri ctia ham s6 y = f(z) 1a
A. 3. B. 2. C. 4. D. 1.
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Lo gisi.
Ta thay f/(z) doi dau khi = qua z1, 29, 23 thudc tap xac dinh clia ham s6 f(z) nén ham s6 f(z)
c6 3 cuc tri.

Chon dap an @ O
Cau 27.2. Cho ham s6 y = f(z) c6 bang xét dau ctia ham dao ham nhu sau:
x —00 -3 2 3 4 +00
f(x) — 0 + 0 + 0 - 0 +

S6 diém cuc tri cia ham sé da cho 1a
A. 6. B. 4. C. 2. D. 3.
Loi giai.
Do f/(z) ddi dau ba lan nén ham s6 c¢6 ba diém cuyec tri.
Chon dap an @

O

Cau 27.3. Cho ham s6 y = f(z) lién tuc trén R va c6 bang xét dau ciia dao ham nhu sau:

T —00 -1 0 2 4 400

f@ o+ 0 - + 0 - 0 4+

Ham s6 da cho c¢6 bao nhiéu cuc tri?
A. 3. B. 2. C. 1. D. 4.
Lai giai.

A~

Dua vao bang xét dau ta thay dao ham ctia ham s6 ¢6 4 1an doi dau nén ham s6 ¢6 4 diém cuc
tri.

Chon dép an (D)
Cau 27.4. Cho ham s6 f(z) c6 dao ham f/(z) = (z — 1)(x —2)%(x — 3)*(z — 4)4, Va € R. S6 diém
cuc tri ciia ham sé da cho 1a

B
LUYEN THI TOT NGHIEP THPT 2019-2020

A. 3. B. 5. C. 2. D. 4. ¢
Loi giai.
[ =1
r=2
Ta co f'(z) =0 <
r=3
|z = 4.

Bang bién thién ctia ham s6 f(z) nhu sau

Vay s6 diém cuec tri ctia ham s6 da cho 1a 2.

Chon dap an (C) O]
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Cau 27.5. Cho ham sb f (z) ¢6 dao ham f/ (z) = z (z — 1)* (z — 2)* (z — 3)*. S6 diém cyc tri cia
ham s6 da cho 1a

A. 2. B. 1. C.o. D. 3.
Loi giai.
Phuong phap:
Xét phuong trinh f’ (z) = 0, néu z¢ 1a nghiém boi bac chin ciia phuong trinh thi o khong phéai
Ja diém cuc tri ctia ham s6, néu zg la nghiém boi bac 1é clia phuong trinh thi zg 1a diém cuc tri
ctia ham so.
Cach gidi:

(2 =0

. . FoN 2 3 4 =1
Xét phuong trinh f'(z) =2(x—-1)"(z—-2)" (2 -3) =0«

T =2

|z =3

Trong d6 = =0, = = 2 1a cac nghiém boi bac 1é nén ham sé y = f (z) ¢6 hai diém ciec tri.

(con = = 1; 2 = 3 la cac nghiém boi bac chin nén khong phai la diém cuc tri cia ham s6
y=f(z)).

Chu y: Cac em c6 thé lap bang bién thién ctia ham y = f (z) rdi két luan sb diém cuec tri.

Chon dap an @ O

Cau 27.6. Cho ham s6 f(z) c6 dao ham f/(z) = z(x — 1)(x + 2)3. S6 diém cyc tri ctia ham s
da cho la

A. 3. B. 2. C. 5. D. 1.
Loi giai.
=0
Taco f/(x) =0« |2 =1 . Ta co bang bién thien
T = —2
xr | —00 -2 0 1 +0oo
f'()

-0 + 0 - 0 +
f(x) \ / \ /
Dua vao bang bién thién, ham s6 c6 ba diém cuc tri.

Chon dap an (A) O

Cau 27.7. Cho ham s6 y = f(z) c6 dao ham f/(z) = z(z — 1)(z 4+ 2)%,Vz € R. S6 diém cyc tri
ctia ham s6 da cho la

A. 5. B. 2. C. 1 D. 3.
Loi giai.
Ta c6 f'(z) = z(x — 1)(z + 2)? = ta c6 bang xét dau cta f'(r)
x —00 -2 0 1 +0o0
(@) + 0 + 0 - 0 +
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Tt bang xét dau ta c6 ham sé dat cuc tri tai « = 0,2 = 1.
Vay ham s6 c6 ding hai diém cuec tri.
Chon dap an O
Cau 27.8. Cho ham s6 y = f(x) c6 dao ham f'(z) = 23(z + 1)?(z — 2). S6 diém cyc tri clia ham
s6 da cho 1a

A. 0. B. 2. C. 3. D. 1.
Lai giai.

r=—1

Ta co f'(z) =0« |2=0 . Ta coé bang xét dau

T =2
x —00 —1 0 2 +00

f'(x) + 0 + 0 — 0 + o
O
Tit bang xét dau ta thay f/(z) doi dau khi z chay qua 0 va 2 nén ham s6 c¢6 2 diém cyc tri. €
Chon dap an Dg
o
Cau 27.9. Cho ham s f(z) ¢6 f'(z) = x(x — 1)(x + 2)2. S6 diém cuc tri clia ham s6 da cho N
I o
A. 2. B. 3. C. 4. D. 1. =
Lai giai. &
z=0 T
Taco fllx) =0& |z=1 (ZD
r=—2. —

\<O

Nhan thay (z+2)2 > 0, Vz # —2. Suy ra f’(x) khong ddi dau khi qua nghiém 2 = —2 nén z = —2+—

khong phai la diém cue tri ciia ham s6.

TH

2

Ngoai ra, f/(z) cing dau véi tam thiic bac hai z (z — 1) = 2* — 2 nén suy ra z = 0, = 1 la hai >

diém cuc tri ctia ham sb. <§-
Vay ham s6 da cho c6 2 diém cuec tri. 3
Chon dap an @ O
CAU 28. Gia tri nhé nhat ctia ham s6 f(z) = 2* — 1022 + 2 trén doan [—1;2] béng
A. 2. B. -23. C. -22. D. -7
Loi giai.
Ham s6 da cho lién tuc trén doan [—1;2].
z=0
Ta c6 f'(z) = 423 — 20z, f'(z) =0 & .
r=+V5
Xét ham s6 trén [—1;2] ¢6 f(—1) = =7; £(0) =2; f(2) = —22.
Vay min f(x) = —22.
z€[—1;2]
Chon dap an (C) O]

. N .z . 2, £ N .z . 2 £ 2 N £ 4 ~
Cau 28.1. Goi M, m la gia tri 16n nhat va gia tri nho nhat ctia ham s6 f(z) = — + 2 + 1 trén
x
doan [1;3]. Tinh M —m.
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A 4. B. 9. C. 1. D. 5.

Lai giai.
Ta c6 () =~ +1v f/(x)ZO(:)—%—I—l:O(:) z=2¢€ [1;3]
‘ r=-2¢][1;3].
Ta tinh duge f(1) =6, f(2) =5, f(3) = 136
Ket hop v6i f(x) lién tuc trén [1;3] nén M = max, flz) =6=f(1) vom = iy, fz) =5 = f2)
Vay M —m = 1.
Chon dap an @ .

2 sz . 2, A N e . ? A 2 N FS 4 ~
Cau 28.2. Tich cua gia tri 16n nhat va gia tri nhé nhat cia ham so6 f(z) = x + — trén doan
T

[1;3] bang

65 52
A —. B. 20. C. 6. D. —
3 3
Loi giai.
Ta c6: f(z) =z + % xac dinh va lién tuc trén [1;3]. Khi d6
N g i by B i B T =2
fix)y=1 mQ,f(x)—0<:>1 o =0< o
Nhan thay: —2 ¢ [1;3] = v = —2 (loai).
f(1)=5; f(2)=4; f(3) = E Khi doé: I[l%z?](f( r) =5 m= I[l’ll?)l’]lf(l') =4. Vay M.m = 20.
1;

Chon dap an O
Cau 28.3. Tong gia tri 16n nhat va gia tri nho nhat clia ham s6 y = —2% + 3z + 1 trén doan
[0;2] bang

A. 2. B. 3. C. 1 D. 4.
Loi giai.

) r=1¢€]0;2]
Taco:y = -32>+3=0< .
r=—-1¢][0;2]
y(0) = Ly(l) = 3;9(2) = -1
Khi d6 maxy = 3; miny = —1. Vay maxy + miny = 2.
[0:2] [0:2] [0;2] [0:2]

Chon dap an @ O

Cau 28.4. Tong gia tri 16n nhat va gia tri nhé nhat ciia ham s6 y = v/2 — 22 — = bang
A 2+V2. B. 2. C. 1. D. 2 -2
Loi giai.
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. - N R
Tap xac dinh 2 = |—v2;v2|. Ta c6 y/ = S .

— 2
<0
Y =0V2—a2?= -2 r=1 &z=-1.
r=—1
Bang bién thién
v |y . /2
y + 0 -
2
y T T
V2 —V2
Duita vao bang bién thién, ta c6 max y =2, min y= —2.
- fﬂ [-v2:v2]
Vay max y—|— mln y=2-—+2.

Chondépén@

O

8
|
LUYEN THI TOT NGHIEP THPT 207 9-2020

Cau 28.5. Goi M, m lan lucgt 1a gia tri 16n nhat va gia tri nhé nhat ctia ham s6 y =

S
|
)

trén tap hop 7 = (—o0; —1) U [ 2} Tinh P =M +m.

A. P=2. B. C. P=—/5. D. P=.3.
Loi giai.

A~

1 -2z

(. —2)2v/a2 =1’
Bang bién thién

1
Ta c6 ¢y = y’:0<:>1—2x:0<:>x:§¢.@.

8
|
|
—_
—_
[\
X

~

VayM:m_gxy:OVam:mgjny:—\/g.

Do d6 P = —/5.
Chon dap an @ O]
Cau 28.6. Gia tri nhé nhat ctia ham s6 f(z) = 23 + 3z + 1 trén doan [1;3] 1a

A. B. mi =6. = 37. D.

r[rlngr]lf( ) = r[rllg]lf(:v) 6 C. r[ng]lf( x) =37 r[rlugnf( ) =

Laoi giai.
Ta c6 f'(z) =322 +3 > 0 v6i moi x. Lai c¢6 f(1) =5, f(3) = 37 nén r[rlli?)r]lf(x) = 5.
Chon dap an @ O

2

Cau 28.7. Goi M va m la gia tri 16n nhat va gia tri nho nhat ctia ham s6 y =

trén tap

hop D = (—oo0; —1] € [1;;] " Khi d6 T = m - M bing
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1 3 3
A —. B. 0. .= D. ——.
9 0 C 2 2
Loi giai.
Tap xac dinh: 2 = (—oo; —1] U [1;4+00) \ {2}.
w — V2 -1
Ta c6 y = 2?1 — —2r+1
(x —2)? (x —2)2vV22 -1
1
Khid6oy =0 x==-va lim y=—1.
2 T——00

Bang bién thién

R 1 ¥

422 44+ 2v/2

Tu bang bién thién suy ra M = 0;m = /5.
Vay T =m - M = 0.

Chon dap an

O

Cau 28.8. Goi M, m lan luct 1a gia tri 16n nhat va gia tri nhé nhat ctia ham s6 y = —a + 222 —

1 ) <
xr + 2 trén doan {—1; 5] Khi do6 tich M - m bang

4 212 12 1
AP B. 22 c. 125 p. 10

4 27 36 9
Lai giai.

. ) <1 ~ 1
Ham s6 y = —a2 + 222 — 2 + 2 xac dinh va lién tuc trén {—1; 5] )

. 17 ..
Ta c6 v = =322 +4x — 1 vi 3y = 0 c6 mot nghiem thuoc {—1; 5] Az = 3
1 50 1 15
Mit khéc y(—1) = 6, y (—) =2y (_> -

3 27 250 8
Vay M = ma)lc y=6,m= mirll y=o
—1;= —1;=
-2 :
100
Chon dap an @ O
Z 1 ., . 2 £ 2 N A ~ S
Cau 28.9. Cho ham s6 y = 1/z + —. Gia tri nhé nhat ctia ham so trén (0; +00) bang
T

A. 2. B. V2. C. 0. D. 1.
Loi giai.

. 1 I3 £ 2 2
Vé6i 2 > 0 ta ludn ¢6 x + — > 2 (hé qua bat dang thic AM-GM).

x
1 . .
Suy ra \/x 4+ — > V2 v6i moi z > 0.
x

) . 1

Dang thic xay ra khi x > 0 va x = — hay z = 1.
x
., 2 A 2 N FS 1 ~ > .
Do d6 gia nho nhat ciia ham s6 y = 4/ x + — trén (0; +o00) bang /2 khi z = 1.
X

Chon dap an (B) O]
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Cau 28.10. Gi4 tri nho nhat ctia ham s6 y =« + V18 — 22 1a:

A. 0. B. 6. C. —-3v2. D. —6.
Loi giai.
TXD: 2 = [-3v/2;3V?2)].
Tacoé: vy =1— L.
Y V18 — 22

Y =0 < x=3.
Ta c6: y(3) = 6;y (3v2) = 3v2;y (—3v2) = =32

= Gi4 tri nhé nhat ctia ham s6 da cho 1a —v/2.

Chon dap an (C) O]
Cau 28.11. Gi4 tri 16n nhét ctia ham s6 f(z) = 22% 4 322 — 122 + 2 trén doan [—1;2] 1a
A 11. B. 10. C. 6. D. 15.
Loi giai.
r=1¢€[-1;2]

Ta c6 f/(z) =622 +6x — 12 = f'(z) =0 &
r=-2¢[-1;2].

Ma f(—1) =15, f(1) = =5, f(2) = 6.
Do do6 [r£11a>2(] f(z) = f(—1) =15.

Chon dép an (D)

O

LUYEN THI TOT NGHIEP THPT 2019-2020

P p 1 N
Cau 28.12. Gia tri I6n nhat ctia ham so0 y = 2 — — trén (0; 3] bang
T

A. @ B. 0. : § D. 2.
9 3 ¢
Loi giai.
1 8
Tacoy =1+ — :3]. Do dé6 = = -,
a coy + i 0, Vo € (0;3]. Do do r(%%)]cy y(3) 3

Chon dap an @

L]

sz <14 £ 2 N £ _3 - 1 ~ >
Cau 28.13. Gia tri I16n nhat ctia ham so y = i 1 trén doan [1; 3] bang
A -2, B. 2. c. 2. D. 1.
2 2 ¢
Loi giai.
) —3x — . < 7ea _
Ham so y = a: xac dinh va lién tuc trén doan [1;3].
Ta c6 y/ = —m < 0,Vz 7£ —1.
. 5
Lai ¢6 y(1) = =2, y(3) = —5.
Vay maxy = —2 tai z = 1.
(1;3]
Chon dap an @ O
sz . 2, ES 2 N £ 16 ~ 3 S
Cau 28.14. Gia tri 16n nhat ctia ham s6 y = 22 + — trén doan [5; 4} bang:
x
1
A. 24, B. 20. C. 12. 22,
Loi giai.

Phuong phap: Tim GTLN va GTNN ctia ham s6 y = f(z) trén [a;b] bang cach:
+) Giai phuong trinh ¢’ = 0 tim céc nghiém ;.
1) Tinh cac gid tri f(a), (b), f(x1) (x: € [asb).
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Khi do: 1[215}1 f(x) = min{f(a), f(b), f(xi)} e f(x) = maz{f(a), f(b), f(xi)}-

a;

p cos , 16 16 3 3
Cach gidi: Taco: Yy =22 — - =2y =02 =S 2w =16cr=2¢c [—;4} y(—) =
155 x2 22 2 2
—;y(2) = 12;y(4) = 20 Vay maxy = 20 khiz = 4.

3

12 3.
4
Chon dap an O
CAU 29. Xét céc s6 thyc a va b théa méan logy (3%-9°) = logg3. Ménh dé nao dudi day
dang?
A a+2b=2. B. 4a+2b=1. C. 4ab=1. D. 2a+4b=1.
Loi giai.
Ta c6
logs (3“.9b) = logg 3 < logs (3“.3%) = logs2 3
1
& logs 39120 = logy 32 < a + 2b = 5 & 2atdb=1
Chon dap an @ O
Cau 29.1. Véi a 1 s6 thiic duong bat ki, ménh dé nao dudi day dang?
1
A log (2018a) = 20181log a. B. loga?'® = 3018 log a.
C. log (2018a) = 5018 log a. D. log a?°'® = 20181og a.

Loi giai.
Phuong phap
St dung cac cong thtc: logab = loga + log b; loga™ = nloga
Cach giai:
Ta c6: log (2018a) = log 2018 + log a
log a?%1® = 20181og a.

Chon dap an @ O
Cau 29.2. Cho 0 <a #1 va x, y 1a cic s6 thyc am. ménh dé nao dudi day dung?
A log, (x2y4) =2 (loga |z| + log,, y2). B. log,(zy) = log, = + log, y.
x log, (—)
C. log, (—2%y) = 2log,(—x) + log, y. D. log (—) =—=2 7
a ( ) a( ) a a y loga(_y)
Loi giai.
Ta co, log, (x2y4) = log, 2% + log, y* = 2log, || + 2log, y* = 2 (loga |z| + log,, y2).
Chon dap an @ O]
Cau 29.3. Vdi a 1a s6 thyc am bat ky, ménh dé nao duéi day ding?
A. log, a® = 2logy(—a). B. log, a? = —2log, a.
C. log, a® = 2log, a. D. log, a® = 2a.
Loi giai.
Vi a 1a s6 thyc am nén log, a? = 2log, |a| = 21ogy(—a).
Chon dép an (A) O
Cau 29.4. Cho 0 < b < a < 1, ménh dé nao dudi day diung?
A. log,a < log, b. B. log,a < 0. C. logya > log, b. D. log, b < 1.
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L&i giai.

Vio<b<a<1nénlog,b>log,a=1. Do do log,a=
Chon dap an @
Cau 29.5. Cho s6 thic a > 1, b # 0. Ménh deé nao dudi day dung?

1
<1<log,b.
log, b ©8a

A log, b> = —2log, |b). B. log, b? = 2log,, b.
C. log, b* = 2log, |b|. D. log, b*> = —2log,, b.
Loi giai.

Ta c6 b #0 < |b| > 0. Khi d6 ta c6 log, b* = log, |b|> = 21og, |b|.
Chon dap an @

Cau 29.6. Cho s6 thiic a > 1, b # 0. Ménh dé nao duéi day diung?

A. log, b® = —2log, |b]. B. log, b* = 2log, b.
C. log, b* = 2log, |b|. D. log, b* = —2log, b.
Loi giai.

Ta c6 b# 0 < |b| > 0. Khi d6 ta c6 log, b* = log, |b|?> = 2log,, |b|.
Chon dap an (C)
Cau 29.7. Vdi a 1a s6 thyc duong bat ky, ménh dé ndo dudi day dung?
1 1
A log(3a) = 3loga. B. loga® = 3loga. C. log(3a) = §log a. D.loga® = §log a.
Loi giai.
Theo tinh chét ta c6 loga® = 3loga.
Chon dap an
Cau 29.8. Cho a, b, ¢, d 1a cac s6 thuc duong, khac 1 bat ki. Ménh dé nao duéi day dang?
d
Z.

A.ac—bdﬁln(%> B.ac—bdﬁln(g)—f.

- b)) d
lna ¢ Ina d
c _ pd - _ = D. a¢ = d - _Z
C.a b <:>lnb L .a b <:>lnb -
Loi giai.
V6i a, b, ¢, d 1a cac s6 thie duong, khac 1 ta c6
Ina d
¢=p? o n(a®) =In (b? ‘lna=d-lnb&s — = —.
a < In (a) n( )<:>c na nb& =7

Chon dap an @

Cau 29.9. Cho a, b, ¢, d 1a cac s6 thuc duong, khac 1 bat ki. Ménh dé nao duéi day dang?
a d c

c
A.ac:bd(i)ln(6>: . B.aczbd@ln(g):—.
c

b d
Ina c Ina
C.a b@lnb 1 .a b(:)lnb

ol

Loi giai.
Véi a, b, ¢, d 1a cac s6 thue duong, khac 1 ta co
Ina d

c__1d c\ __ d . .
a=1> @ln(a)—ln(b)@c-lna—d-lnb@m_c

Chon dap an @

Cau 29.10. Véi s6 thyc duong a bat ky. Ménh dé nao dudi day dung?
A logy 2a® = 1+ 2logy a. B. log,2a% = 2 + 2log, a.

) O O
LUYEN THI TOT NGHIEP THPT 2019-2020

~

O
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C. logy(2a)? = 2 + log, a. D. logy(2a)? = 1+ 2logs a.
Loi giai.

e log,2a® = logy 2 + logy a® = 1 + 21log, a.

e log,(2a)? = 2logy(2a) = 2 (logy 2 + logy a) = 2 + 2log, a.

Chon dap an @ O]
Cau 29.11. Véi moi s6 thyc duong ¢ va b thda man a? 4+ v> = 2ab, ménh dé nao dudi day
ding?
1
A. logy(a+b) = 2+ logy a + logy b. B. log(a+b) =2+ §(loga + logb).
1 1

C. logy(a+b) = 5(2 + logy a + logy b). D. logy(a +b) = 5(1og2 a + logy b).

Lai giai.

V6i moi s6 thie duong a va b, ta c6 a?® + b? = 2ab < (a + b)? = 4ab. Do do, ta c6

1
logy(a + b)? = logy(4ab) < 2logy(a+ b) = logy 4 + logy a + logy b < logy(a +b) = 5(2 +logy a+logy b).

Chon dap an @ U
Cau 29.12. Cho a la s6 thic duong bat ky. Méenh dé nao dudi day dang?
A logs(5a) = 5 + logs a. B. logs(5a) = logs a.
C. logs(5a) = 1 + logs a. D. logs(5a) =1+ a.
Loi giai.
Ta c6 logs(5a) = logs 5 + logs a = 1 + logs a.
Chon dap an (C) O

Cau 29.13. Véi a la s6 thyc duong bat ky va a # 1, ménh dé ndo dudi day dang?

1 5
g B. Ina’® = s C. Ind’® = na D. log,s e = 5log, e.

A. log,s e =
Loi giai.
1
log,s e = R log, e = Tna
Chon dap an @ O

Cau 29.14. V6i a 1a s6 thuc duong bat ki va a # 1, ménh dé nao du6i day dung?
1 5)

1
T B. loga® = glna. C. loga® = o D. log,s e = 5log, e.

A log,s e =

Laoi giai.
1 1 1
T 5 1 = —1 = — = .
800 08ee €= p108a€ = ¢ log.a  5Inba

Chon dap an @ O]

Cau 29.15. Cho a, b 1a hai s6 thiic théa 0 < a < b < 1. Ménh dé nao duéi day ding?
A log,b<1<logya. B.log,a<1<log,b. C.log,b<logya<1. D.1<log,b< log,a.

Loi giai.
. log, b <log,a =1
Tac60<a<b<1nén = log, b < 1 < logya.
log,a > logy b =1
Chon dap an @ O

CAU 30. Sb giao diém ciia do thi ham s6 y = 2® — 3z + 1 va truc hoanh 1a
A. 3. B. 0. C. 2. D. 1.
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Loi giai.

Tap xac dinh D = R.

Taco:y =322 —3; 4y =0z = +1.
Bang bién thién

T | —00 -1 1 +00
' + 0 — 0 +
3 +00
—00 —1

Tt bang bién ta thay do thi ham s6 cit truc hoanh tai 3 diém phan biét.
Chon dap an @ U

Cau 30.1. S6 giao diém ctia do thi ham s6 y = 2® — 3z + 1 v& truc Oz bang
A. 2. B. 1. C. 3. D. 4.
Loi giai.
S6 giao diém ctia do thi ham s6 y = 3 — 3z 4+ 1 va truc Oz (y = 0) bing s6 nghiém ctia phuong
trinh
2d —3r+1=0.

Phuong trinh 23 — 3z 4+ 1 = 0 ¢6 3 nghiém phan biét nén do thi ham s6 cit truc Oz tai 3 diém

phan biét.
Chon dap an (C) )
Cau 30.2. S6 giao diém ctia do thi ham s6 y = 2% 4+ z + 2 vi duong thang y = —2z + 1 1a
A. 3. B. 0. C. 2. D. 1.
Loi giai. «

Xét phuong trinh hoanh do giao diem 2% +z +2= 224+ 1< 234+ 3z +1 = 0.
Xét f(z) = 2%+ 3z +1, ta co f/(x) = 322 + 3 > 0. Suy ra bang bién thién

r | —00 +00 ¢
f'(=) +
400
—00
Do d6 phuong trinh f(z) =0 c¢6 1 nghiém.
Chon dap an @ O
Cau 30.3. S6 giao diém citia dd thi ham s6 y = +11 v6i duong thang y = 2z + 3 1a
T _
A. 2. B. 3. C. 1. D. 0.

Loi giai.
Xét phuong trinh hoanh do giao diém
2 +1
r—1
22+ 1= (22z+3)(x—1)(do z =1 khong la nghiém ctia phuong trinh)

=2r+3
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2% —x—4=0

1+ /33
r=———
o 4
1—-+/33
r=—.
4
. < 2 <z N C 1 s P 20 +1 . . a2
Vay duong thang y = 22 + 3 cat do thi ham s6 y = 1 tai hai diem.
Chon dap an @ O
Cau 30.4. S6 giao diém ctia do thi ham s6 y = 22 |22 — 4| v6i dudng thang y = 3 la
A. 8. B. 2. C. 4. D.6.
Loi giai.

Phuong tinh hoanh do giao diém 2 [2? — 4| = 3(1)
néuaz?—4>0& < -20U2<z.

2
a? =247
Phuong trinh (1) & 22(2? —4) =3 e 2* — 42?2 -3 =0« S =42+ VT.
22 =2—+7(loai)
néuz?-—4<0e —2<z<2.
2
¢ =3 = +V3
Phuong trinh (1) & 2?(2?2 —4) = -3 <2 - 422 +3 =0 & .
22 =1 r ==l
Vay phuong trinh c¢6 6 nghiém.
Chon dap an @ O
Cau 30.5. Tim s6 giao diém ctia do thi ham s6 y = 23 — 322 + 3z — 1 va do thi ham sb
y=a?—x—1.
A 1. B. 0. C. 2. D. 3.
Loi giai.
. z=0
Phuong trinh hoanh do giao diem 23 — 322 +3r -1 =2’ —0v -1 2> — 42’ + 42 =0 & [
r =2
Chon dap an @ O
Cau 30.6. S6 giao diém clia do thi ham s6 y = 2% 4 2 + 2 vi duong thang y = —2z + 1 1a
A. 3. B. 0. C. 2. D. 1.
Loi giai.

Xét phuong trinh hoanh do giao diem 2% +z +2= —224+ 1< 23+ 3z+1 = 0.
Xét f(r) =23 +3x+1, ta 6 f/(x) = 322 + 3 > 0. Suy ra bang bién thién

x —00 +00
f'(x) +
+00
@

Do d6 phuong trinh f(z) =0 c6 1 nghiém.
Chon dap an @ O

Cau 30.7. S6 giao diém clia do thi ham s6 y = 2% 4 2 + 2 vi duong thang y = —2z + 1 1a
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A. 3. B. 0. C. 2. D. 1.
Loi giai.
Xét phuong trinh hoanh do giao diém 2 +z +2= -2z + 1< 2%+ 3z + 1 = 0.
Xét f(r) =23+ 32 +1, ta c6 f/(x) = 32> +3 > 0. Suy ra bang bién thien

x —00 +00
f'(x) +
+00
fo|

Do d6 phuong trinh f(z) =0 c¢6 1 nghiém.
Chon dap an @

O

Cau 30.8. S6 giao diém ciia dd thi ham s6 y =

| N 2 N
+1 véi duong thang y =2z + 3 la

Vi phuong trinh 2% — 322 — 5 = 0 ¢6 hai nghiém trai dau nén do thi ham s6 y = 2% — 322 — 5 cat

o

o S

A. 0. B. 1. C. 2. D. 3. oY
Loi giai. o
Y = 20 +1 )

Xét he r—1 S
y=2x+3 [al

T

B 1++v33 —

20 +1 r#1 r= 4 [al

= =2r+3= = -
r—1 r+1=22+2-3 1—+33 -
PRI (o : 9
Vay so0 giao diém cta do thi ham so y = vay=2xr+3la2. =
r—1 —

Chon dap an (C) O
|_

Cau 30.9. Tim sb giao diém ctia dd thi ham s6 y = z* — 322 — 5 v& truc hoanh. T
|_

A 1. B. 3. C. 4. D. 2. —
Loi giai. <§'
-

-

truc hoanh tai hai diem phan biét.

Chon dap an @ O
Cau 30.10. Tim s6 giao diém ctia dd thi ham s6 (C): y = 223 — 3z 4+ 2 va parabol (P): y =
—z? + 10z — 4.
A. 0. B. 1. C. 3. D. 2.
Loi giai.
Phuong trinh hoanh do giao diém ctia (C) va (P) 1a
T =2
20 — 32 4+2=—224102 -4 283 +22 - 132+6=0 (22— 1)(z—2)(z+3) =0 |z =—3
1
r = —.
, 2
Vay hai do thi ham s6 cit nhau tai ba diém phan biét.
Chon dap an (C) O]
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Cau 30.11. S6 giao diém ctia do thi ham s6 y = 23 — 3z + 3 va dudng thing y = =.

A. 2. B. 3. C. 1. D.o.
Lo gisi.
rz=1
Phuong trinh hoanh do giao ditm z =23 -3z +3 e 23 -4 +3=0< 1413
r=—
2
Vay dd thi ham s6 y = 2® — 3z + 3 va dudong thang y = = ¢6 3 giao diém.
Chon dap an O]
CAU 31. Tap nghiém ctia bat phuong trinh 9% + 2.3 —3 > 0 1
A. [0; +00). B. (0; 4+00). C. (1;400). D. [1;4+00).
Li giai.
9" +23"-3>0 3" -1)B3*"+3)>0<3">1(vid*>0,Ve e R)& 2 > 0.
Vay tap nghiém ctia bat phuong trinh da cho 1a (0; +o0).
Chon dap an O
Cau 31.1. Tap nghiém ctia bat phuong trinh log; (z — 1) + logs (11 — 2z) > 0 1a
3
11
A. (—o0:4). B. (1;4]. C. (1;4). D. [4; 7).
Li giai.
Diéu kieén: 1 <z < %
Bat phuong trinh tuong duong — logs(z — 1) 4 logg(11 — 22) > 0
11 — 2z 11 — 2z 12 — 3z
& logs o >0& o >1& o >0 l<e <4
Chon dap an O]
Cau 31.2. Tap nghiém ciia bat phuong trinh 47! <8772 ]3
A. [8; 400). B. o. C. (0:8). D. (—o0:8] .
Loi giai.
Ta c6: 47T <8772 2212 <2300 52, 4 2 <3 -6 8 <1
Vay tap nghiém ctia bat phuong trinh 1a [8; +o0).
Chon dap an @ O
Cau 31.3. Tim tap nghiém ctia bat phuong trinh logs (z —4) +1>0.
13 13 13
A. {?, +oo>. B. (—oo; ?) C. (4;400). D. (4; ?)
Li giai.
) 2\ ! 13
Ta c6 log%(x—4)+1>0<:>log%(x—4) >-lel<r-4< (5) <:>4<l‘<7
P 1
Vay tap nghiém ctia bat phuong trinh la (4; ?3)
Chon dap an @ O

Cau 31.4. Tap nghiém ciia bat phuong trinh log%(:v +1) > logz(2 —z) la S = (a;b) U (¢;d) véi
a,b,c,d 1a cac s6 thyc. Khi d6 a + b+ ¢ + d bang:

A. 4. B. 1. C. 3. D. 2.
Loi giai.

Phuong phap

Bién soan € suu tam: Ths Nguyén Chin Em Trang 102


https://www.facebook.com/groups/GeoGebraPro/

e Tim diéu kién xac dinh ctia bat phuong trinh.
e Giai bat phuong trinh.

Cach giai:

Ta co:
z+1>0 x> —1
—1l<ax<?2
2—x>0 S <2 & | ( )+ log( )
0g3(2 —x) +logg(x +1) <0
log%(x +1) > logg(2 — x) —logs(x + 1) > logs(2 — z) ’ ’
([ 1<2<?2
—l<zr<? 1+5
& ) S |T > 5
r“4+x+1>0
1-+5
T <
\ 2
1— 1
:>S—<—1; \/S)U( +\/5;2
2 2
1—+5 1 5
a+b+c+d=-1+ 2¢_+ Z¢_+2:2

O

LUYEN THI TOT NGHIEP THPT 2019-2020

Chon dap an @

2x+1
Cau 31.5. Tap nghiém ctia bat phuong trinh (1 n 2) > 1 (v6i a 1a tham 86, a # 0) 1a
a

A. (—oo; _%) B. (—o0:0). C. (—%; +oo). D. (0; +00). <

Loi giai.
22-+1 1

\/“10<1+a2<1nén(1+a2) >1<:>29:+1<04:>:1:<—§.
Chon dép an (A) )
Cau 31.6. Tap nghiem ciia bat phuong trinh 32°-22 < 27 1a

A (—o0;—1). B. (3;400).

C. (-1;3). D. (—o0; —1) U (3; +00). )
Loi giai.
3 3T P e <3 -2r-3<06 —1<r<3.
Chon dap an @ O]
Cau 31.7. Tim tap nghiém ctia bat phuong trinh log%(az:2 + 22 — 8) > —4.

A. (—4;2). B. [-6;4). C. [-6;—4] U [2;4]. D. [-6;—4) U (2;4].
Loi giai.

Pt

2
r*4+2r—-8>0 r < —4 hoac = > 2
—4 =
_) 22+ 22 —24<0

1
x2+2x—8§ (2

{x<4hoacx>2 [6<a:<4
= = .

—6<xr <4 2<x<4
Vay tap nghiém ctia bat phuong trinh 1a [—6; —4) U (2;4].
Chon dap an @ O

N | —

Cau 31.8. Tim tap nghiém ctia bat phuong trinh logys (z + 1) >
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A. S = (—4;+00). B. S = (—00;4). C. S=(-14). D. S = (4; +00).

Loi giai.
1 1
Ta co6: logys (z+ 1) > §<:>x—|—1 > 252 & o > 4.
Chon dap an @ O
Cau 31.9. Tap nghiém ctia bat phuong trinh logs (2% +2) < 3 la
A. S = (—o0; =5 U[5;+00). B.S=0.
C. =R D. S =[-5;5].
Loi giai.
22 +2>0
Ta c6 logg (2* +2) <3 & 1’ +2<27Te* <256 -5< <5
x? +2 <27
Chon dap an @ O
Cau 31.10. Tap nghiém ctia bat phuong trinh log,(z — 1) < 3 1a
A. (—00;9). B. (1;10). C. (—o0;10). D. (1,9).
Loi giai.
lz—=1>0
BPT da cho tuong duong véi S l<z<o.
r—1<8
Vay tap nghiém cia BPT da cho 1a (1;9).
Chon dap an @ O
~ . . . 2 . 4r +6 .
Cau 31.11. Tap nghiém cua bat phuong trinh log 1 >0 la
x
a2 B2 (2l b2
2 2 2
Loi giai.
bieu kién xac dinh: x & 3
p 4 6 4 6 — 3 6
Bat phuong trinh tuong duong: % <l&e % <0& Tt <0 -2<z<.
Két hop véi dieu kien ta duge: —2 < z < —g.
Vay tap nghiém ctia bat phuong trinh I [—2, —%)
Chon dap an @ O
. 1 V42
Cau 31.12. Tap nghiém ctua bat phuong trinh (5) > 377 1a
A. (1;2). B. (2;+00). C. [2;+o0]. D. (1;2].
Loi giai.
x>0
BPT& 3VI2 >3 T s> /r+2& Sr>2
)
Chon dap an ]
Cau 31.13. Tim tap nghiém ctia bat phuong trinh 9% — 2 - 6% 4 4% > 0.
A. S =(0;400). B. S=R. C. S =R\{0}. D. S =[0; +00).
Loi giai.
Bién soan € suu tam: Ths Nguyén Chin Em Trang 104


https://www.facebook.com/groups/GeoGebraPro/

2x T
Chia hai vé cho 4* > 0, phuong trinh tuong duong (g) -2 (g) +1>0.

x
Dat t = (g) , dieu kien ¢ > 0.
x
KMdomwmmgmmmy2—zw+1>0¢>@—32>o@t¢1¢>CS L1z 40
Vay 5 = R\{0}.
Chon dap an (C)
Cau 31.14. Tap nghiém ciia bat phuong trinh log 5 (z — 2) > 0 1a
2
A. (3;400). B. (0;3). C. (—00;3). D. (2;3).
Loi giai.
Diéu kién xac dinh ctia bat phuong trinh 1a z > 2.
Ta c6 log s(r —2) >0« 2 —2 < 1< x < 3. Vay tap nghiém ctia bat phuong trinh 1a (2;3).
Chon dap an @
Cau 31.15. Tap nghiém ctia bat phuong trinh logz(3x) > log: (22 +7) la
14
A. (—o0;7). B. (0;7). C. (7;400). D. (O; —)
Loi giai.
Dieu kién: = > 0.
Bat phuong trinh da cho tuong duong véi 3z < 22+ 7 < 2 < 7.
So véi diéu kien, ta c6 = € (0;7).

Chon dap an

Cau 31.16. Tap nghiém ctia bat phuong trinh logy g (2% + ) < logyg (—2x + 4) la:

A. (—o0;—4)U (1;2). B. (—o0; —4) U (1; 400).
C. (—4;1). D. (—4;1) U (2;4+00).
Loi giai.

Diéu kién: x € (—oo0; —1) U (0;2).

logy g (x2+x) <logyg (—27 +4)
& Phr>-2r4+4e2°+32-4>0

&z € (—oo;—4) U (1;+00)

Két hop vdi dieu kién ta duge S = (—oo; —4) U (1;2).
Chon dap an @

Cau 31.17. Tap nghiém ctia bat phuong trinh 32% > 32+6 13
A. (0:64). B. (—o0;6). C. (6; +0). D. (0:6).
Lot gisi.
Ta c6 3% > 3**0 o 20 > 2+ 6 < 7 > 6.
Tap nghiém ctia bat phuong trinh l1a: S = (6; +00).
Chon dap an (C)

Cau 31.18. Tap nghiém ctia bat phuong trinh 2-2°+2 < i )
A. S =(—0o0;—1)U(2;+00). B. S=(-12).
C. S =(—00;—-2)U(1;400). D. S=(-2;1).

([

O
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Li giai.

P, N 2 1 2 T < —1
Bat phuong trinh 277 % < 1 S22 22 i< 2822 -2-2>0s . Vay
x> 2
tap nghiém ctia bat phuong trinh 1a S = (—o00; —1) U (2; +00).
Chon dap an (A) O
~ I~ PN 2 ES N ]- - 2x N
Cau 31.19. Tap nghiém cua bat phuong trinh log% >0 la
s
1 1 11 1
A. :(—; ) B. :(;—>. C. :(—;—). D. :<— ;—).
S 3 400 S 0 3 S 35 S 003 3
Loi giai.
1 -2z -0
1-2 1 1
Ta c6 log: Tooe r S-<r< .
1— 2 3 2
<1
x
Chon dap an (C) O]
Cau 31.20. Tap nghiém ctia bat phuong trinh logy(z — 9) > 0 1a
A. [9;400). B. (10; 4+00). C. [10; +00). D. (9;+00).

Loi giai.
Ta c6logy(r —9) >0 2 —-9>1< 2> 10.
Chon dap an O

CAU 32. Trong khong gian, cho tam gidac ABC vuong tai A, AB = a va AC = 2a. Khi quay
tam gidc ABC xung quanh canh goc vuong AB thi dudng gap khic ACB tao thanh mot hinh
nén. Dién tich xung quanh ctia hinh nén dé bang

A. 57a?. B. V5rd?. C. 2v/57a?. D. 107wd?.
Loi giai.

BC = VAB2?2 + AC? = a/5.
Dién tich xung quanh hinh nén can tim S = rAC.BC = 72a.a\/5 = 2v/5a2.

Chon dap an @ O

Cau 32.1. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Tinh dién tich toan phan ctlia vat
tron xoay thu duge khi quay tam giac AA'C’ quanh truc AA’.

A 7 (V6+2)ad® B. 7 (V3+2)d® C. 21 (V2+1)a®. D. 27 (V6 +1) a®.
Loi giai.
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Khi quay tam giac AA’C’ quanh truc AA’ ta dugc hinh nén c¢é ban kinh A
ddy R = A'C'" = a/2, dudng sinh | = AC’ va chiéu cao h = AA" = a.

Ta c6 | = AC" = VAIC? + AA? = /242 + a2 = aV/3.

Ta ¢6

Sip = mRI + 7R? = 7(V/6 + 2)a’.

Cf/

Chon dap an @ O

Cau 32.2. Tinh thé tich clia vat thé tron xoay khi quay mo hinh (nhu hinh vé) quanh truc
DF.

E F
a
OO
A o Tt B
a
D& oo {
a
A. 10—7TCL3. B. za?’. C. 5—7Ta3. D. 10_7Ta3.
7 3 2 9
Loi giai. h

e Khi quay hinh vuéng ABCD quanh truc DF ta dugc

khdi tru tron xoay c6 chiéu cao bang a va ban kinh day

bing a. Thé tich khéi tru nay 1a Vi = 7 a? - a = na’.

LUYEN THI TOT NGHIEP THPT 2019-2020

e Khi quay tam giac vuong AFE quanh truc DF ta dugc

khdi nén tron xoay c6 chieu cao bang a va ban kinh day

N 3 2 2.
bang EF = AF -tan30° = %_. The tich khoi nén nay la

2
1
Vo=—-m- (a\/g) -a= Ea3.

3 3 9
: ) 1
Vay the tich can tim 14 V = Vi + Vo = ma® + gag _ %a;
Chon dap 4n (D) .
Cau 32.3. Tinh thé tich khoi tron xoay sinh ra khi quay tam giac déu ABC canh bing 1 quanh
AB.
A. 3_7T B T c ™ b, W\/g.
4 A S y
Loi giai. -
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Khi quay tam giac déu ABC quanh canh AB ta thu dugc hai khéi nén bang nhau.

2
) ) 1 2 (1W3\" 1
Do dé,taco V=2V, =2- §7r7"2h =37 (T) 571 (dvtt).
1 1
(ban kinh r = hape = \/73, dudng cao h = §AB = 5).
Chon dap an O]
Cau 32.4. Tinh thé tich khoi tron xoay sinh ra khi quay tam giac déu ABC canh bang 1 quanh
AB. Y
3T T T ™3
A —. B. -. .= D. —.
4 4 C 8 2
Lai giai.

Khi quay tam giac déu ABC quanh canh AB ta thu dugc hai kh6i nén bang nhau.

2
1 2 1v/3 1
Do do, ta c6 V =2V :2-—7rr2h:—7r-(7\/_) 5

™
nén 3 3 = Z (tht)
(ban kinh r = hape = \?, duong cao h = %AB = %)
Chon dap an O

Cau 32.5. Trong khong gian, cho tam gidc ABC vuong tai A, AB = a vi AC = a+/3. Tinh do
dai duong sinh ¢ ctia hinh nén ¢6 duge khi quay tam giac ABC xung quanh truc AB.

A. /! =a. B. /= 2a. C. (=aV3. D. ¢ = aV2.
Loi giai.
Khi quay tam giac ABC vudng tai A xung B B
quanh truc AB ta dugc hinh nén c6 duong
sinh la BC.

Tam giac ABC vuong tai A nén
BC? = AB?* + AC? = d® + 3a® = 4d”.
Vay | = BC = 2a. N C ¢

Chon dap an O]

Cau 32.6. Tam gidc ABC vuong can dinh A c6 canh huyén 1a 2. Quay hinh tam gidc ABC
quanh truc BC' thi duge mot khéi tron xoay c6 thé tich Ia

A. 2—\/571 B. Z—Lw. C. 271 D. 17?.
3 3 3 3
Loi giai.
Goi D 1a trung diém BC, khi d6 AD | BC va AD — BTO _1,AC = V2. o

Khi quay hinh tam gidc ABC quanh truc BC thi dugc hai khdi nén c6 cling
chiéu cao h = 1 va ban kinh duong tron day » = 1.

2 2 F N N 1 2
Vay the tich ctia khoi tron xoay 1a V =2- 3 r2h = 3T A B

Chon dap an (C) O

Cau 32.7. Dién tich xung quanh ctia hinh nén dugc sinh ra khi quay tam gidc déu ABC canh

a xung quanh ducong cao AH la

2 2
3
A. 1a?. B. %. C. 2ra?. D. 7m2\/_.

L&i giai.
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Hinh nén ¢6 ban kinh day la r = BTC = %, duong sinh [ = AB = a. Khi d6 dién tich xung quanh
2

hinh nén la sxq:mzw-g. :%.

Chon dap an O

Cau 32.8. Cho tam giac ABC vuong can tai A, AB = 2a. Thé tich ctia khdi tron xoay tao
thanh khi quay tam gidc ABC quanh canh AB bang

A T9 B, 81’ c. drd’ p, 8TV2.
3 3 3 3
Lai giai.

Khi quay tam giac ABC quanh canh AB ta dugc mot hinh nén
c6 ban kinh diy r = 2a va chiéu cao 1& h = 2a.
Ap dung cong thic tinh thé tich khéi nén ta co

1 1 8ma®
V= §7r7"2h = §7r(2a)22a = e

Chon dap an

Cau 32.9.
Tinh thé tich ctia vat thé tron xoay khi quay mo hinh (nhu hinh vé) quanh g F
truc DF. )
3 3 3 3 N}
A. 10ma . B. 10ma . C. bma : | J “
9 7 2 3
A ol T B
a
¥
ul D
D @« C
Loi giai.
Ta ¢6 EF = AF tan30° = %g ‘
Khi quay tam giac AEF quanh truc DF tao thanh khéi non c6 thé tich
1 a\/§ 2 ra’
B =37 \Tg) Ty
Khi quay hinh vuong ABCD quanh truc DF tao thanh khéi tru c¢6 thé tich
Virg = ra®-a=rwa’.
) . ) ) ma’ 10ma®
Vay the tich cua vat theé tron xoay khi quay mo6 hinh quanh truc DF 1la V = 5 +7a’ = o
Chon dap an @ O

Cau 32.10. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Tinh dién tich toan phan ciia vat
tron xoay thu duge khi quay tam giac AA’C' quanh truc AA’.

A. 2r (\/§+ 1) a?. B. w(\/§+2) a?. C. 2x (\/6+ 1) a?. D. 71'(\/64—2) a?.
Loi giai.
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Vi ABCD.A'B'C'D’ 1a hinh lap phuong canh a, nén ta c6 A D’
AC = av/2; A'C = av/3 va AA'L(ABCD) hay AA' LAC.
Tam giac AA'C vuong tai A nén khi quay tam giac AA'C

quanh truc AA’ ta duge hinh nén tron xoay c¢6 ban kinh day

B — C
R= AC = a\/3. 4!

Ao—eeoo P D
Duong cao AA’ = a va dudng sinh [ = A'C' = aV/3. RN D
B C
Vay dién tich toan phan ctia hinh nén 1a Sy, = 7RI+ 7R =7 (\/6 + 2) a’.
Chon dap an @ O

Cau 32.11. Trong khong gian, cho tam gidc ABC vuong tai A, AB = a vd AC' = /3a. Tinh do
dai duong sinh [ ctia hinh nén nhan duge khi quay tam giac ABC xung quanh truc AB.

A l=a. B. [ =2a. C. 1 =+2a. D. = +3a.
Loi giai.
Khi quay tam giac ABC xung quanh truc AB ta dudc hinh nén c6 dusng
sinh
| =BC =+/AB? + AC? = 2a.
Chon dap an O

2 2
CAU 33. Xét / xeXQda:, néu dit u = 22 thi / ze* da bang
0 0

2 4 1 2 1
A. 2/ e“du. B. 2/ edu. C. —/ edu. D. —/ edu.
0 0 2 0 2 0

Loi giai.
o 2 du
bat u==x :>du:2xdx<:>xdx:?.

Khiz=0=u=0,khix=2=u=4.

2 4
Do do /xerdx = %/e“du.
0 0
Chon dap an @ O

3
Cau 33.1. Cho tich phan I = /\/2 + cosx - sinxzde. Néu dit t = 2 + cosx thi két qua nao sau
0
day ding?
2 3 2 El
A.f:/\/idt. B.J:/\/%dt. 0.1:2/\/¥dt. D.J:/ﬂdt.
3 2 3 0

Loi giai.
batt =2+ cosz = dt = —sinzdz = sinzdr = — dt.
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Doi can

r=0=t=3

Vay tich phan da cho tré thanh

2 3
zg/ﬂ(—dt):!\/%dt.

Chon dap an O]
1
Cau 33.2. Cho tich phan I = / . sdr, giasudat t =1+ 22. Tim ménh deé dung.
! + 2
2 ; 3
AL f=y g G
2 o
1 1
2 ; 4
1 [(t—1) 3
o Lfuiry, p 2 [
1 1

Loi giai.

1
Datt=1+x2:>§dt:mdx.

A~

LUYEN THI TOT NGHIEP THPT 2019-2020

Doicanez=0=t=1,z=1=1t=2.
Khi dé

H
_|_

%3
[\Dll—l
)—l\w

—~
~
| |
3
—_
N—
w
o,
~
”

Chon dap an @ O
3 <
Cau 33.3. Cho tich phan I = / dx Néu dat t = /= + 1 thi
2 2 2 2
A.I:/( —2t)dt /2t2—tdt. C.I:/(2t2+2t)dt. D.I:/(2t2—2t)dt.
1 1 1 1

Loi giai.
Ditt=vVer+1l=tP=z+1ozr=t>—1, do=2tdt.
D01can Khlx—Othlt—l khi z =3 thi t = 2.

3 2 2
I = / /t2_12tdt /Zt(t 1)d —/2t2 2t)d
I++vVz+1
1 1
Ch(_)n dap an @ O
v1+1 ? P .
Cau 33.4. Cho tich phan I / T dz. Doi bien ¢ = v/1 +Inz ta dugce ket qua nao sau
1

day?
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V2 V2 2 V2
A.[—/tht. B. I—2/t2dt. C. I—2/t2dt. D.I—2/tdt.
1 1 1 1
L& giai.
Ta c6
=Vithr=t*=1+lnz=2dt = —
Vi
r=1=t=1,
x:e:>t:\/§.
V2 V2

Vaylz/t-Qtdt:2/t2dt.

1 1
Chon dap an

1
d e
Cau 33.5. Cho tich phan I = / %. Néu ddi bién s6 = = 2sint, t (—g 5) thi
— X
0

NE]

C. - %. D. -

A 1= | dt. B. dt.

~
I
o\m\:\
~
=
o\wh\

o

o
SNE]

Loi giai.
Ta c6 z = 2sint = dx = 2costdt.
Viz=0=t=0,r=1=t=

m‘”cnl >1

s s
Do déI:/ 2 costdt /2costdt 2costdt :/dt.
V4 — 4sin’ 2V cos? 2cost
0 0 0
Chon dap an @

Cau 33.6. Cho tich phan I = / V1 — zdx. V6i cach dat t = /1 — x ta ducce

1 1 1 1
A.[:3/t3dt. B.I:3/t2dt. C.]:/t3dt. D.I:3/tdt.
0 0 0 0

Loi giai.
Datt=vV1i—z=2z=1-¢= der = —3t2dt.

. r=1=t=0
Doi can
r=0=t=1

0

1
:>I:—3/t3dt:3/t3dt.
0

1
Chon dap an (A)

Cau 33.7. Cho tich phan I = / v1 — zdx. V6i cach dat t = /1 — z ta ducce
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1 1 1
A.[:3/t3dt. B.J:3/t2dt. C.I= [ #dt D.I:B/tdt.
0 0 0

o _

Loi giai.
Ditt=vV1—z=2z=1-¢= dz = —3t2dt.

.. r=1=t=0
Doi can
r=0=t=1

0

1
:»I=—3/t3dt:3/t3dt.
1 0

Chon dap an @

O

4
Cau 33.8. Cho tich phan I = / z\/ 2% +9dx. Khi dat ¢ = v22 + 9 thi tich phan da cho tré
0

thanh

5 4 4 5
A.I:/ tdt. B.]:/ tdt. C.I:/ 2 dt. D.I:/ 2 dt.
3 0 0 3

Loi giai.
Tacot=vVr2+9=t2=22+9=tdt = xda.
Déicanz=0=t=3, z=4=1¢=>5.

4 5
KhidéI:/ x x2~|—9dx:/ 2 dt.
0 3

Chon dap an @

3
Cau 33.9. Cho tich phan I = / %\/x—ﬂ dz. Viét dang ctia I khi dat t = o + 1.
2 20 2 2
A. /(2152 + 2t) dt. B. / (2t — 2t)d C. /(t2 — 2t) dt. D. /(Qt2 —t)dt.
1 1 1 1

Loi giai.
Ditt=vVz+1l=t?=0+1=2tdt =zdr.
Déi can

z |0

1

Tich phan tré thanh

2 2 2 2
/ _12t /t_lHl /t—12td:/2t2—2t
1+¢ t+1
1 1 1 1
Chon dap an (B)
el’
Cau 33.10. Cho I = dz. Khi dat t = v/e? + 1 thi ta ¢
u 0 /mx 1da e’ + 1ta co
A. I:/2t2dt. B. = it C. I:/th. D.I:/tzdt.

L&i giai.

O

LUYEN THI TOT NGHIEP THPT 2019-2020

A~

Pe
A

~

Bién soan € suu tam: Ths Nguyén Chin Em Trang 113


https://www.facebook.com/groups/GeoGebraPro/

https:/ /www.facebook.com/groups/GeoGebraPro/

eTdx
Ditt=ve"+1=dt = ———— = 2tdt = e“dz, do d6 [ = [ 2dt.
: ¢ NS e /

Chon dap an @ O

-1
Cau 33.11. Cho I = /x(x — 1)?dz khi dat t = —2z ta ¢6
0

1 1

A.[:—/t(t—l)zdt. B.I:—/t(t+1)2dt
0 0
1
C.I= /t(t—l)th. D. = /t(t+1)2dt.
0 0
Lo giai.

batt= -2 = dt = —dux.

.. z=0 =t=0
Doi can
r=-1 =t=1.

1

1
—/—t t—l /tt+1
0

0

Chon dap én@ O
e
. . Inz
Cau 33.12. Vi cach doi bien v = v/1 + 3Inz thi tich phan —————dz trd thanh
P zv/14+3lnzx
9 [2 9 2 2
A. —/ (u? — 1) du. B. —/ (u? — 1) du. C. 2/ (u? — 1) du.
3.1 9.1 1
Loi giai.
. 9 u? — 1 2u 1
Viu=+v1+3hez=u*=1+3lnz = :lnxjgdu:;dx.
w?—1 2u
Inx 2 3 ‘?d 2 [? 9 d
Khi do, = —2 9 du=- u® — 1) du.
/a:’\/1+31nx /1 U 9/1( )
Chon dap an O

Cau 33.13. V6i cach ddi bién u = v4z + 5 thi tich phan /x\/4x + 5dz tré thanh

—1

3 1 3 3
20,2 20,2 20,2 2 _
A [ =8, g [EW =D o [ =) fuli=5)
8 8 4 8
1 -1 1 1
Loi giai.
2 _
bat u = 4x+5=>:c:u SVEde:gdu.
. —1
Daoi can:
ul 1 |3
1 3,
Suy ra, /x\/4x+5dx:/wdu
-1 1
Chon dap an @ O
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tré thanh

1
Cau 33.14. D6i bién z = 2sint thi tich phan /
0

4 — x2
; ;
A. /tdt. B. /tdt. C. /dt.
0 0 0

Dat x =2sint v6i t € (—— 5) = dx = 2costdt.
D41 can
r=0 = t=0.
1 = (=21
T = = —.
6
Ta co:

iy

6
QCost / 2cost
\4— 4smt . V4 COSQt

~
I
O\@Iﬁ

Chon dép an (C)

CAU 34. Dién tich S ciia hinh phéng giéi han béi cac duong y = 222,y = -1,z =0 vh z = 1

dugce tinh bdi cong thitc nao dudi day?

1 1
A.S:W/ (2x2+1)dx. B.S:/ (2x2—1)dx.
0 0
1 1
C. s :/ (227 + 1) dx. D. s :/ (24 +1) dz.
0 0
Loi giai.

1 1

Dién tich hinh phing can tim la S = / 227 + 1| dz = / (2% +1) dz do 22? + 1 > 0,V € [0; 1].

0 0
Chon dap an @

O\@Iﬁ
~| &

||
D\@Iﬁ
=

O

LUYEN THI TOT NGHIEP THPT 2019-2020

A~
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A

~

O

Cau 34.1. Theé tich ctia khdi tron xoay do hinh phang giéi han béi cac duong y = v/z, truc Oz

va hai duong thang = = 1; 2 = 4 khi quay quanh truc hoanh dugc tinh bdi cong thitc nao?
4 4

4

A.V:ﬁ/xdm. B.V:/|\/E|dx. C.V:7T2/xd:c.

1 1 1
Loi giai.
4
Thé tich 1a V = w/xdaz.

Chon dép an (A)

4

D.V:W/\/Eda:.

1

O

Cau 34.2. Theé tich ctia khéi tron xoay sinh ra khi cho hinh phing giéi han bdi parabol (P): y =

2% va duong thang d: y = = xoay quanh truc Oz bang
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1 1 1 1
A.W/xzdx—ﬂ/x4dx. B.W/xzdx+7r/x4dx.
0 0 0 0
1 1
C.’ﬂ'/(l‘2—l‘)2d$. D.W/(Z'Q—ZE) dx
0 0
Loi giai.
Ta c6 (P) va d cit nhau tai hai diém (0;0), (1;1) va = > 22, Vz € (0;1). Y

Suy ra thé tich khéi tron xoay da cho T bang thé tich khéi tron xoay
T trit di theé tich khéi tron xoay 7s. Trong do6

e 71 dugc sinh ra khi quay hinh phéng giéi han béi cac dusng d, 1r--"7 }
truc Oz, x =0,z = 1. i r
i O 1
e Ty dugc sinh ra khi quay hinh phang gi6i han béi cac duong (P),
truc Oz, x =0,z = 1.
1 1
Vay thé tich khéi tron xoay da cho bing w/xz do — w/xA" de.
0 0
Chon dap an (A) O

Cau 34.3. Cho ham s6 y = f(z) lien tuc trén doan [a;b]. Viét cong thiic tinh dién tich hinh
thang cong gi6i han bdi do thi ham s6 y = f(z), truc hoanh va hai dudng thing z = a, = = b.

A. S:/be(x)dm. B. S:/b|f(x)|dat. C. S:ﬂ/b|f(a:)|dx. D. S:/bf(x)dm.

Loi giai.
Dién tich hinh thang cong gidi han bdi do thi ham s6 y = f(z), truc hoanh va hai dudng thing

b
x:a,x:blaS:/\f(x)\dx.

Chon dép an O

Cau 34.4. Dien tich hinh phang dudc giéi han bdi do thi ham sé y = ze®, truc hoanh, hai

dudng thang = —2;x = 3 ¢6 cong thiic tinh 13
3

3 3
A.S:/xemdw. B.S:/|xex|dx. C. S= /xexdzz. D.S:W/xexd:p.
—2 -2

e
Loi giai.
Theo cong thiic tinh dién tich hinh phing ta c6 S = / |ze®| dx.

2
Chon dap an O]
Cau 34.5. Viét cong thiic tinh thé tich V ctia vat thé nam giita hai mit phang z = 0 va

¢ = In4, biét khi cit vat thé bsi mat phang vuong géc véi truc hoanh tai diem c6 hoanh do z
(0 <z <In4), ta dugc thiét dien 13 mot hinh vuong c¢6 do dai canh 1a v/ze®.
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In4 In4

A.V:/xemdaz. B.V:w/xemdx.

0 0
In4 In4
C. V= W/(xex)z dz. D. V= / Vet dz.
0
Loi giai.
In4

Theo dinh nghia ta c6 V = / xe” dx.

0
Chon dap an @

Cau 34.6.

Goi S la dién tich hinh phing dugc t6 dam trong hinh Yy
vé bén. Cong thic tinh S 1a

AS/fd

8
+

C. S:/f(x)dac
-1
2
——_/1f(ac)dac

L&i giai.
1

2
Duya vao hinh vé suy ra S = /f(x) dz — /f(x) dz
1

~1
Chon dap an

A~

Pe
A

LUYEN THI TOT NGHIEP THPT 2019-2020

O

Cau 34.7. Tim cong thitc tinh thé tich ctia khéi tron xoay khi cho hinh phang gi6i han béi

parabol (P): y = 2% va dudng thing d: y = 2z quay quanh truc Oz.

A n (x2 — 2:10)2 dx. B.n

C.n (23: — 1:2) dx.

O\wc’\m
S O —

2
4x d:c—i—7r/x4dx. D. .=
0

Loi giai.
Xét phuong trinh hoanh do giao diém ctia (P) va d, ta ¢

2?2 =92r < =0 hoic z = 2.

2
422 dx — 7r/x4dac.
0
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Trén doan [0;2] ta thay 22 > 2% nén thé tich can tim 13

3

2
V = 7r/4x — ot 7r/4a:d:v /$4dx.
0

0

Chon dap an O
Cau 34.8. Tinh dién tich hinh phang giéi han béi do thi ham sé y = z®, truc hoanh va hai
dudng thing z = —1,z = 2 biét ring mdi don vi dai trén cac truc toa do la 2 cm.
15 17
A. - cm?. B. T cm?. C. 17 cm?. D. 15 cm?.
Loi giai.
0 2 0 2
3 3 3 3 3 ! 17
Ta co S = }m}dm— |x|dx+ }m‘dx— >dr+ | x°dr = +Z =7
—1 0 -1 0
Do mdi don vi trén truc 14 2 cm nén S = 4 .22 cm? = 17 cm?
Chon dap an (C) O
Cau 34.9.
D6 thi trong hinh beén 1a ctia ham s6 y = f(z), S 14 dién tich hinh y

phang (phan to dam trong hinh). Chon khang dinh ding.

A.S= /f d:c+/f

B.S:/f(:z:)dx 1z
~2
—2 1
C. 5= /f(x)der/f(x)da:
0 0
0 1
D.S= /f(x)dx—/f(x)dx
~2 0
Loi giai.
Tudothltacof( )>0Vm€[ 2;0] Vaf r) <0,Vz €| O 1].
1
Do do S = /|f \dx—/|f \dx+/|f ]dx—/f —/f(a:)da:
-2 0
Chon dap an @ O
3 7— 422 khio<z <1 ) ) o
Cau 34.10. Cho ham so f(x) = . Tinh dién tich hinh phang gi6i han
4—z?khiz>1
bdi do thi ham s6 f(x) va cdc dudng thang z =0, z =3, y = 0.
16 20
A. 3 B. 3 C. 10. D. 9.
Loi giai.
Phuong phap: Cong thic tinh dién tich hinh phang dugc gi6i han bdi cac duong thing
r=a,x=>b(a<b)vacdc do thi ham s6 y = f(z), y = g(z) 12 S = /|f z)|dx.
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Cach giai:
Xét cac phuong trinh hoanh do giao diém:
T =2
04x20<:>[ or=2.

r=-2¢ (1;4+00)
VT

. 7—4x2:0(:)w:i7§’:‘[0;1].

1 2 3
:/|7_4x2;dx+/\4_x2}dx+/\4_x2}dx
0 1
1 2 3 0
:/(7—43:2) dx+/(7 4z dx+/ 7— 4z7)
0 1

2
16 11 16
—7—1+4+————3+==10.
7 + 3 5 3+ 3 0
Cau 34.11. Cho f(z) = z* — 522 + 4. Goi S 1a dién tich hinh phang giéi han béi do thi ham s

y = f(x) va truc hoanh. Ménh dé nao sau day sai?
2

on

LUYEN THI TOT NGHIEP THPT 2019-2020

1 2
A. S:/\f(a:)|dx B.S=2 / f(x)dz| + 2 / f(z)dz
0 1
- 2 2
C. S:2/|f(x)|dx. D.S=2 /f(x)da: )
0 0
Loi giai.

Phuong trinh hoanh do giao diém ctia do thi ham s6 f(z) = 2* — 522 + 4 va truc hoanh

Pe
A

r==1

=5+ 4=0s &
xr = +2.

~

Dién tich hinh phing can tim la

2
5= / F@)ldr (1)

= 2/ |f(z)|dz  (2) (do f(z) 1a ham sb chén)

. 0/ (@)l +2 / @)l

=2 /f(x)dx +2 /f(x)dx (3) (do trong cac khoang(0; 1), (1;2) phuong trinh f(z) = 0 vo nghi
0 1

Tt (1), (2) va (3) suy ra cac dap an A, B, C' la dung, dap an D la sai.
May tinh: Bam may kiém tra, ba két qua dau bing nhau nén dap an la dap an D.
Chon dap an @ O
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Cau 34.12. Tinh thé tich V ciia vat thé tron xoay thu duge khi quay hinh phing giéi han bai
cac duong y = 22 + 1, y = 2% + 1 quay quanh Oz.
47 47 2 27
AV=—. B.V=—. C.V=—. D V=—.
210 210 35 35
Loi giai.
Xét phuong trinh hoanh do giao diem y = 22+ 1 va y = 23 + 1.

r=0

a:2+1x3+1<:>x3x20<:>[
x=1.

Thé tich khéi tron xoay can tinh la

(#2+1)" = (2* +1)° |z

/
— /1[(1:2+1)2—(x3+1)2] dz
/

1
—1 1 1 2
= T (71’7 + 51'5 21'4 + g[L’S) O|
_ 4t
210
Chon dap an U
Cau 34.13.
Cho hinh phéng (H) giéi han bdi Parabol AU
2
y = % va duong cong c6 phuong trinh y =
2
2
\/4— % (hinh vé&). Dién tich ctia hinh phéng
(H) bang
4m + /3 —4
A, w B, V3T
c At Vs p, 207 +V3)
6 3
Loi giai.

2 2
Hoanh do giao diém ctia Parabol y = % va dudng cong y = \/4 — % la nghiém cta PT:

2 2

T T
_— = 4—— == .
12 T £2v3
Dién tich hinh phang (H) bang
2v/3 5 ) 2V/3 2v/3 2V/3 \/_
1 4
S:Q/ [\/4—%—%10&2/ 16—x2d:v—6/x2d93:/\/16—x2dx+73.
0 0 0 0
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2v/3 3
Datx:4sint:>/ 16—x2dx:/16cos2tdt:8§+2\/§.
0 0
=S5= M
Chon dap an @ O
Cau 34.14.

Cho ham s6 y = f(z) lien tuc trén R va c¢6 do thi (C) 1a dudng cong nhu
hinh bén. Dién tich hinh phang gisi han bdi dd thi (C), truc hoanh va
hai dUOng thang = = 0, z = 2 (phan t6 den) la

A. /f(x)da:. /f dx+/2f(m)da:
0 1

1 2 2
C. /f(a:)d:z:—/f(:p)dx D. /f(x)dx
0 1 0
Loi giai.

Duia vao hinh vé ta nhan thay: khi z € (0;1) thi f(z) > 0, khi 2 € (1;2) thi f(z) <0

VayS:/lf(x)dx—if(x)dx
0 1

Chon dap an (C)

Cau 34.15. Cho hai ham s6 y = f(r) va y = g(z) lién tuc trén doan [a;b]. Ki hieu H 1a hinh
phéang gigi han bdi do thi hai ham s6 y = f(z), y = g(x) va hai dudng thang = a, z = b (a < b).

Tinh dién tich S ctia hinh phing H.
b b

O

LUYEN THI TOT NGHIEP THPT 2019-2020

2
A

A. S—/(f(x)—g(x))dx. B. S—w/(fQ(x)—gQ(x)) dz.
C.S:/\f(a:)—g(:c)]d:c. D. S = /|f )| dz. ‘

Loi giai.
Dién tich S ctia hinh phang giéi han bdi hai do thi ham s6 y = f(z) vd y = g(z) v& hai duong
b

thang r =a, = b (a < b) léS:/]f(a:)—g(x)\dx.

Chon dap an @ O
CAU 35. Cho hai s6 phitc 21 =3 — i v& 29 = —1 + 4. Phan 4o cta sé phic 2129 bing

A. 4. B. 4i. C. —1. D. —i.
Li giai.

Ta c6: z1.29 = (3 —4)(—1 — i) = —2 + 44. Suy ra phan 4o clia z1.z9 bang 4.
Chon dap an @ O]

Cau 35.1. Cho hai s6 phtic z = 6+5i vd 2/ = 5 —4i + z. Tim mo-dun ciia s6 phiic w = z- 2.
A. |w| = 612. B. |w| = 61. C. |w| = 61V2. D. |w| = 6v2.
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Loi giai.
Tacoz =5—-4i+6+5i=11+i= 22 =61+61i. Do dé |w| = 61/2.
Chondépén@ O]

Cau 35.2. Cho hai s6 phiic 2 = m +3i, 20 = 2 — (m + 1)i, v6i m € R. Tim cac gia tri ctia m dé
w = 2] - 29 1a sb thuc.

A. m =1 hodc m = —-2. B. m =2 hodc m = —1.
C. m =2 hoac m = —3. D. m = —2 hoac m = —3.
Loi giai.
Tacow=1z-22=(m+30)(2—(m+1)i) =dbm+3+ (6—m—m2)z’.
- 2 m = —3
Dé w 1a s6 thuc thi 6 —m —m? =0 &
m = 2.

Chon dap an @ O
Cau 35.3. Cho hai s6 phtic 21 =241, 20 =4 — 3i. Khi d6 z; - 29 ¢6 phan 4o bang
A. 11. B. 2. C. —11. D. -2.

Loi giai.

2129 = (2+i)(4—3i) =11 — 2i.
Vay s6 phtic 21 - 2o ¢6 phan 4o bang —2.

Chon dap an (D) O
Cau 35.4. Cho hai s6 phiic z = a + bi va 2/ = o’ + V/i. SO phiic i/ c6 phan thyc 1a
aa’ + bb’ B aa’ + bb’ a+ad : 260
S a4 2 S a? 40 S a?+b% a4+ b2
Lot gidi.
oz a+bi (a+bi)(d =Vi) ad +b0 d'b—ab

Taco 2 d+bi a’? + b2 RN e
Do d6 phan thic clia 5 bang %.
Chon dap an @ O
Cau 35.5. Cho hai s6 phtic z; =3 — 47 v& 29 = —2 + 4. Tim s6 phiic lién hgp clia 21 + 29.

A. 1+ 3i. B. 1-3i. C. -1+ 3. D. -1-3i.
Loi giai.
Tacozi+20=8—-4)+(—2+i)=1-3i= 2z + 20 =1+ 3.
Chon dap an @ O
Cau 35.6. Cho hai s6 phiic 21 =2+, 20 =1 —3i. Tinh T = |(1 +i)21 + 222/

A. T =18 B. T =32, C.T=0. D.T=3.
Loi giai.
14z +22=1+)(2+49)+2(1—=3)) =3—3i = |(14+i)z1 + 222| = VI+ 9 = 3V2.
Chon dap an O]
Cau 35.7. Cho hai s6 phiic z; = 3+1, 20 = 2—4. Tinh gia tri ctia biéu thiic P = |z, + 21.23].

A. P=85. B. P=5. C. P =50. D. P =10.
Léri gisi.

Taco:z1-20=03+i)(2—i)=T—i=2n+z2-2=3+i+7—i=10.
Suy ra P = |z1 + 21 - 22| = 10.
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Chon dap an @ O

Cau 35.8. Cho hai s phiic z; = 14 2i v 20 = 2—3i. Phan 4o clia s6 phiic w = 321 — 229 1a

A. 12. B. 1. C. 11. D. 12i.
Loi giai.
w =321 — 220 = —1 4+ 12i. Vay w c6 phan 4o 1 12.
Chon dap an @ L]
Cau 35.9. Cho hai s6 phtic 2 = 1+ 3i, 20 = 3 —4i. Modun clia s6 phiic w = 21 + 23 bang
A V1T B. V15. C. 17. D. 15.
Loi giai.
Ta c6 w =4 —i. Suy ra |w| = /42 + (-1)2 = V1T.
Chon dap an @ 0
Cau 35.10. Cho hai s6 phitc 21 = 3 — i vi 2 = 1 — 2i. Tim s6 phitc w = —*.
2z
1 7
A. w=>5+5i. B w=---i Cw=1+1. D w=1-"1. 8
5 b )
Loi giai. S
2 3—i  (3—i)(1+2i) 545 o
g 11— ) b} @)
Chon dap an @ DC:
Cau 35.11. Cho hai s6 phiic z; = 3 — 4i vA 25 = —i. Tim phan thyc va phan 4o ciia s phfrc%
l—
Z1%9. (al
A. Phan thiic bang 4 va phan 4o bang 3. B. Phan thic bing —4 va phan 4o bang —3. -
C. Phan thyc bang —4 va phan 4o bang 3i.  D. Phan thuyc béng 4 vA phan 4o bang —3i. (:.ED
Loi giai. =
l—

Ta c6 2129 = (3 — 4i)(—i) = —4 — 3i c6 phan thuc 1a —4 va phan 4o 1a —3.

\<O

Chon dap an L=
) T

Cau 35.12. Cho hai s6 phiic 21,20 théa man |z1| = |20 = V3 va |21 — 20| = 2. Modun |21 + 29| —
bang <E_
A. 2. B. 3. C. V2. D. 2V/2. =
Loi giai. —

1. Cach 1: Goi cac s6 phiic z; = ay + bii, 20 = ag + bai, (a1, az, by, be € R).

Ta ¢6 21| = /a2 + b2 = V3= a3 + b} =3, |22| = \/a3 + b3 = V3= a3+ b3 =3.
Do do

‘21—22| =2 = \/(al —a2)2+(b1_b2)2:2
& (a1 — a2)2 + (bl — b2)2 =4 & CL% + b% + CL% + bg — 2a1a9 — 2b1by = 4
= 2a1a2 + 2b1by = 2.

Do d6 |21 + 2| = \/(a1 +az)® 4 (b1 + bo)® = \/a + 03+ ad + b3 + 2a1as + 2b1by = /8 = 2V/2.

2. Cach 2: Ta c6 |21 — 2* = (21 — 22)(FT — 72) = |21 + |22 — (217 + 2077) = 4
|Zl + ZQ|2 = (21 + ZQ)(Z_1+Z_2) = |Zl|2 + |ZQ’2 + (le_2+ 222_1) =8
= ’21 + Zzl = 2\/5.
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Chon dap an @ O

CAU 36. Goi 2 la nghiém c6 phan 4o am clia phuong trinh 22 — 2z + 5 = 0. Modun clia s6
phtic zg + i bang

A 2. B. V2. C. V1o. D. 10.
Loi giai.
z=1-2i
Taco: 22 —2245=0&22-22=1=—-4& (z—1)? = 44 :
z=1+2i

Vi 2o 1a nghiém phtic c6 phan do am nén zo=1—-2i = 290 +i=1—2i+i=1—1.

Suy ra |20 +i| = [1 —i| = /12 + (-1)> = V2.
Chon déap an 0
Cau 36.1. Goi z; va 2 lan luot 1a nghiém ctia phuong trinh: 22 — 22 +5 = 0. Tinh P =

|21] + [22]-
A. 2V/5. B. 10. C. 3. D. 6.
Loi giai.
) lm1+%
Taco: 22 -224+5=0<
z9=1—21.
Khi d6 P = |z1| + |22| =5 +5 = 2V5.
Chon dap an @ O
Cau 36.2. Goi z; vA 2 1an luot 1a nghiém ctia phuongtrinh: 22 — 2z +5 = 0. Tinh P = |z > +
B
A. P =25 B. P =20. C. P=10. D. P =+/5.
Loi giai.
z=1—2
Tacéz222—|—50(:[ . Khi d6, P = |21|? + | 22| = 2V/5.
z=14+2
Chon dap an @ O
Cau 36.3. Phuong trinh bac hai ndo dudi day nhan hai s6 phiic 2 — 3i va 2 + 3i lam nghiém
?
A 22+42+413=0. B.22+42+3=0. C.22-42+13=0. D.22-42+3=0.
Loi giai.

bat 21 =2 —3i; 20 =2+ 3i. Khi do

S=z14zm=d P=2-2=(2-3)(2+3)=4+9=13.

Do d6 21 va 2 1a nghiém ciia phuong trinh: 22 — Sz + P =0 hay 22 — 42+ 13 = 0.

Vay 22 — 4z + 13 = 0 1a phuong trinh can tim.

Chon dap an (C) O]

Cau 36.4. Goi z 1a nghiém phiic ¢6 phan 4o am cta phuong trinh 2% + 2z + 3 = 0. Trén mét
phang toa do, diém nao sau day la diém biéu dién s6 phiic z;?

A. P(—1;—v2i). B. Q(—1;v/2i). C. N(=1;V2). D. M(—1;—/2).
Loi giai.
z=—14+2i .
Taco2242:4+3=0< . Vi z; c6 phan 40 am nén z; = —1 — v/2i.
z=—1-2i

Vay diém bicu dién s6 phiic z; 1a diém M(—1; —/2).
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Chon dap an @ O

Cau 36.5. Goi z 1a nghiém phiic ¢6 phan 4o am ciia phuong trinh 222 — 2z + 13 = 0. Trén mét
phang toa do, diém nao dudi day 1a diém bieu dién ciia sé phiic w = izy?

o1 5 1 o 1 o1

A M (5g) BN (3i-3) G P(5-3) D.@(53)

Lai giai.
1 1

Phuong trinh 222 — 22+ 13 =0& 2 = 5+ gz (loai) hay =z = 5 gz (nhan).

. U 2 T T N > R L S S pU . 51
Nén ta c6 w =iz =1 (2 22) =3 + 5t Vay diém bieu dien cua w la @ (2, 2).
Chon dap én@ O

Cau 36.6. Trong tap s6 phiic C, biét 21, 2o 1a nghiém ctia phuong trinh 2?2 — 22+ 5 = 0. Tinh
gia tri ctia biéu thiic (z1 + 22)2.

A. 0. B. 1. C. 2 D. 4.
Loi giai.
Ap dung dinh 1y Vi-ét ta c6 21 + 20 =2 = (21 + 20)? = 4.
Chon dap an @ 0
Cau 36.7. Ki hiéu z 14 nghiém phtic ¢6 phan 4o duong ctia phuong trinh 422 — 16z 4 17 = 0.
Trén mat phang toa do, diem nao dudi day la diém bieu dién ctia s6 phiic w = iz, ?
1 1 1 1
aon(t2) Boaw(la) com(ha) o pon(l)
13 2{73 C. Ms 1 47
Loi giai.
Xét phuong trinh 422 — 162+ 17 =0 c¢6 A =64 — 4 - 17 = —4 = (2i)>.
N L1 . 8 — 21 1. 8+ 24 1. ¢
Phuong trinh c6 hai nghiém z; = 1= 2 — Fha=—r—= 2+ 5t

. 2, Pe X 2 ~ 1 .
Do zp la nghiém phtic ¢6 phan ao duong nén zg =2 + 5t

2
A

LUYEN THI TOT NGHIEP THPT 2019-2020

1
Tacéw:izoz—§+2i.

.2 .2 o~ 1
Vay diem bieu dién w = iz, la Mo (—5; 2).

Chon dap an O
Cau 36.8. Coi 2 la nghiem phiic c6 phin 4o dwong ctia phuong trinh 22 + 22 + 10 = 0. Tinh'
iZo.
A izg=3—1. B. izg=-3i+1. C.izg=-3—1. D.izg=3i—1.
Loi giai.
z=—-1+3
Taco 22 +2:4+10=0 <
z=—1-— 3.
Suy ra zop = —1+ 3i. Do d6 izg = i(—1+ 3i) = =3 —i.
Chon dap an @ O
Cau 36.9. Goi z la nghiem phtic ¢c6 phan 4o am ciia phuong trinh 222 — 6z +5 = 0. Tim
o 13 13 13 13
Li giai.
3 1.
z = 5 -+ 52 3 1
Xét phuong trinh 222 —62+5=0 < 31 :>zo—§—§i:>z-z0:——|——z
r= 22
2 2
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Chon dap an O]
Cau 36.10. S6 phtic z = a+ bi, (a,b € R) 1a nghiém ctia phuong trinh (14 2i)z —8 —i = 0. Tinh
S=a+b.

A S=-1. B.S=1. C. S=-5. D. S=5.
Loi giai.

S+i  (8+i)(1—2i) 10— 15i a=2
VIi(1420):—8—i—0azooti  B+D0=20) " —2 - 3inen .
142 1+4 5 h=—3.

Vay S=a+b=—1.
Chon dap an @ O
Cau 36.11. Biét z = 1 — 2i 1a nghiém ctia phuong trinh 22 +az +b =0 (v6i a, b € R). Khi do
a+ b bang

A. 3. B. -3. C. 4. D. —4.
Loi giai.

Vi z =1 — 2i la nghiém ctua phuong trinh nén ta c6

(1-22+a(l-2)+b=0 < a+b—3+(—4—2a)i=0
a+b—3=0 a=—2
= =
—4—-2a=0 b=>5.
Vay a +b=3.

Chon dép an (A) O

Cau 36.12. Ki hiéu z 1a nghiém phiic c6 phan thiic am va phan 4o duong ctia phuong trinh
22 4+ 922 +10 = 0. Trén mit phang toa do, diém nao dudi day la diém biéu dién s6 phic w =

,L'2019ZO?
A. M(3;-1). B. M(-3;1). C. M(3;1). D. M(-3;-1).
Loi giai.
z2=—1+3
Tacd 22 +2:410=0 < nén zp = —1 + 3i.
2=—1-—23i

Khi d6 w = i?M92) =i - (=1)'199 . (=1 4 34i) = —i - (=1 + 3i) = 3 + 4 nén diém bicu dién sé phiic w
la M(3;1).
Chon dap an (C) O

Cau 36.13. Goi z; 1a nghiém phitic ¢6 phan 4o duong ciia phuong trinh 22 — 8z + 25 = 0. Khi
do, gid st 23 = a +bi thi a+ b 1a

AT B. -7 C. 24. D. 31.
Loi giai.
z1=44 3
Phuong trinh 22 — 8z +25 =0 = .
z9 = 4— 31
Taco 2 =T7+24i=a="Tb=24=a+b=23l.
Chon dap an @ O

Cau 36.14. Goi z 1a nghiém phitic ¢6 phan 4o duong ctia phuong trinh 422 + 4z + 37 = 0. Trén
mit phing toa do, diém nao dudi day la diém biéu dién ctia s6 phiic izg?
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A. M, (-3; 1). B. M; (3;1). C. M, (3;—1). D. M, (— ;—1).

2 2 2 2

Loi giai.
1
2=—=+3%

12 442 437=0% 2

1 RN 1 1
Suy ra zp = —3 +3i=izg=—-3— 5@'. Do d6 iz ¢6 diém biéu dién 1a M, <—3; —5).
Chon dap an @ O

Cau 36.15. Goi z; 1a nghiém phiic ¢6 phan 4o duong clia phuong trinh 22 — 2z 4 5 = 0. Trong
mat phang toa do, diem biéu dién clia z; c6 toa do la
A. (~1;2). B. (2:1). C. (=2 1). D. (1;2).
Li giai.
z=14+2
z=1-—21.
Do z; ¢6 phan 4o duong = z; = 1 + 2i.

Taco: 22—22+5=0<

Do dé diém biéu dién ctia 2 ¢6 toa do 1a (1;2).

Chon dap an @ O
CAU 37. Trong khong gian Ozyz,cho diém M (2;1;0) v dudng thing A : ’ I 3_Y ; L_z +21.
Mt phang di qua M va vuong goéc véi A c6 phuong trinh 1
A3rx+y—2—-7=0. B.z+4y—2246=0.
Crx+4y—22—-6=0. D.3z+y—2+7=0. ¢
Loi giai.
Dudng thang A: r=3_y-1_=z+1 nhan vecto ¥ = (1;4; —2) 1a mot vects chi phuong.

1 4 —2
Mat phang di qua M va vuong goéc véi A nhan vecto chi phuong @ = (1;4; —2) clia A la vectok

phap tuyén.
Vay phuong trinh mit phang can tim 1.(z — 2) +4.(y —2) = 2.(z —0) =0 & 2 + 4y — 22 — 6 = 0.

THI TOT NGHIEP THPT 2019-2020

Chon dap an @ D(E_

Cau 37.1. Trong khong gian Ozyz, mat phang chita truc Oz va di qua diém A(1;1;—1) cé%

phuong trinh la —
A z2+1=0. B.z—y=0. C.z+z=0. D.y+z=0.

Loi giai.

Mt phéng chita truc Oz ¢6 dang By + Cz = 0, (B? + C% #0).

Mit phang di qua diém A(1;1;—1) nén B—C =0« B=C. Do d6 chon B=C =1.

Chon dap an @ O

r=—1+

-1 y+1 =z-3

Cau 37.2. Trong khong gian Oxyz, cho hai dusng thang d; : i vady: Qy =4+ 3t

2 3 -5
z=1+1
Tim phuong trinh mit phang chita duong thang d; va song song véi dudng thang do.
A. 182+ Ty + 3z +20 = 0. B. 182 —Ty+32+34=0.
C. 18z + Ty + 3z —20 = 0. D. 18z —7y+32—34=0.
Loi giai.
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Duong thang d; qua M(1; —1;3) va nhan a7 = (2;3; —5) lam véc-to chi phuong; dy c6 véc-to chi
phuong w3 = (1;3;1).
Mit phang (P) chita d; va song song dy nén nhan véc-to 7 = [ug,us] = (18; —7;3) lam véc-to
phap tuyén.
Vay phuong trinh tdng quét ctia (P) la
18(x—1)=T(y+1)+3(x—3)=0

& 18r —Ty+32—-34=0.
Chon dap an @ O
Cau 37.3. Trong khong gian Ozyz cho mit phang (P): 3z — 4y + 52 — 6 = 0 va dudng thang

—1 -2 -3 . « s en . 2 <o 2 N 2 .
d: L 5 = Y 5 = z T Goi ¢ la goc gitta duong thang d va mat phang (P). Tim khang dinh
ding.
A s 1 B 1 C 1 D s 1
Lsing = ——. L COSQp = ————. L COSp = ——. Lsing = ———.
758 NG 7T 5V NG
Loi giai.
(P) c6 véc-to phap tuyén 1a 7 = (3; —4;5) va d ¢6 véc-to chi phuong @ = (2;3;1). Khi d6 ta c6
o = feos (7, )] = 1 =
sinp = [cos (7, 0)| = 5—= = :
’ GRS
Chon dap an @ O
~ . . PR _ . 2 r—1 y+2 =z
Cau 37.4. Trong khong gian véi hé truc toa do Oxyz, cho duong thang d: =1 73
Mat phang (P) di qua diém M(2;0; —1) va vudng goc v6i d c6 phuong trinh 13
A z—y+22=0. B.z—2y—2=0. C.x4+y+22=0. D.z—y—22=0.

Loi giai.
Mit phéng (P) c¢6 véc-to phap tuyén ciing phuong véi véc-to chi phuong ctia dudng thing d,
suy ra 7 (py = (1;—1;2). Phuong trinh mat phiang (P) 1a

(z=2)—1(y—0)+2(z+1)=02—-y+22=0.

Chon dap an @ O
Cau 37.5. Trong khong gian toa do Ozyz, cho dudng thang (d): L Jlr 3 _Y _12 _z ; 1. Mat
phang (P) di qua diém M (2;0; —1) v vuong goc véi (d) c6 phuong trinh 1
A (P)ixz—y—22=0. B. (P): 2z —z=0.
C.(P)ox—y+22+2=0. D.(P):z—y+22=0.
Loi giai.

Mit phéng (P) di qua M(2;0; —1) c6 mot véc-to phap tuyén 7 = (1; —1;2) c6 dang (P): z—y+2z =

0.

Chon dap an (D) O
r=1+4+1

Cau 37.6. Trong khong gian Ozyz, cho diem A(0; 1; 2) va hai dudng thang d; : { y = —1 — 2¢,

z2=2+1

y—1 2+

1 » 2 ) L
do : — = =T Viet phuong trinh mét phang («) di qua A va song song vé6i hai duong

théng dl, dg.

Do R
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A (a):x+3y—52—13=0. B. (¢):3x+y+2+13=0.
C.(o):x+2y+2-13=0. D. (o) :2+3y+52z—13=0.
Loi giai.

Phuong trinh mit phang («) song song v6i hai duong thang d, ds

suy ra m(q) = [Wa,, Ma,) = (1;3;5).

Vay (o) : 1z —0)+3(y—1)+5(z2—2)=0< 2+ 3y + 52— 13=0.

Chon dap an @ O
Cau 37.7. Trong khong gian Oxzyz, cho duong thing d : % = y;rl = 222 va mit phang
(P): x4+ 2y —22+3 =0. Goi M la diém thuoc dusng thang d sao cho khoang cach tit M dén

mat phing (P) biang 2. Néu M c6 hoanh do am thi tung do ctia M bing

A 1. B. -3. C. -21. D. —5.
Loi giai.
Do M thuoc d nén M c¢6 toa do dang M (t; —1 + 2t; —2 + 3t). o
. — — t=-1 N
Theo gia thiet, ta c6 d(M,P) =2 & t=2+4t+4-6t+3) =2 h—-tl=6< .M co6O
3 t=11 AN
hoanh do am nén ¢t = —1 = tung do ctia M la —3. 9
Chon dap an Dg
~ o 2 < N 2 z—1 Y — 7 z2—3 E
Cau 37.8. Cho mat phang («): 3z — 2y — 2 + 5 = 0 va duong thang A: =1 =1 T
Goi (B) 1a mit phang chita A va song song véi (a). Khoang cach gitta (a) va (6) 1a E
3 9 9 9
A —. B. —. C. —. D —. 4Ll
V14 V21 21 V14 T
Loi giai. D
Léy A(1:7:3) € A. Vi (8) || (a) nén =
| 7-3+5 2
3:-1-2.-7T-34+5 9 —
d((a),(8)) = dA, (o) = = ) —_
(@10 = (A (@) = Tt = -
Z
Chon dap an @ k-
1 2 3 5
Cau 37.9. Trong khong gian Oxyz, cho dudng thing (d): x; _ _1 = Z; . Mat phing =
(P) vuong goc véi (d) co véc-to phap tuyén 1a
A. 7(1;2;3). B. 7(2;-1;2). C. 7(1;4;1). D. 7(2;1;2).

Lai giai.

Véc-to chi phuong ctia dudng thang (d) 1a ug = (2; —1;2).

Mat phang (P) vuong goc véi dudng thing (d) nén co véc-to phap tuyén np = ug = (2; —1;2).
Vay véc-to phap tuyén ctia (P) 1a 7(2; —1;2).

Chon dap an O

Cau 37.10. Trong khong gian véi hé toa do Oxyz, cho duong thang d: * I = =

va diém A (—2;1;0). Viét phuong trinh mit phang di qua A va chita d.

A x—Ty—42+8=0. B.x—y—42+3=0.
C.x—Ty—42+49=0. D.z—y+22+43=0.
Loi giai.
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Chon diém B(2;1;1) € d, suy ra AB = (4,0,1).

Véc-to phap tuyén clia mat phang can tim 1a 7 = [E, T[d} = (1;—7; —4).

Phuong trinh mit phang can tim 1a (z+2) —7(y —1) —4z2 =0z — Ty — 42+ 9 = 0.

Chon dap an (C) O]

CAU 38. Trong khong gian Ozyz, cho hai diém M(1;0;1) va N(3:2; —1). Duong thing M N c6
phuong trinh tham s6 1

r=1+2¢ r=1+1 r=1-—1¢ r=1+1¢
A. y =2t . B. y=t . C. y=t . D. y=t
z=1+t z=1+1 z=1+t z=1—-t
Loi giai.

Duong thang M N nhan MN = (2;2; —2) ho#ic ¥ = (1;1; —1) la vecto chi phuong nén ta loai ngay
phuong an A.B va C.

Thay toa do M (1;0;1) vao phuong trinh § phuong an D ta thay thoa man.

Chon dap an @ O

Cau 38.1. Trong khong gian véi hé toa do Oxyz, cho dudng thang d c6 phuong trinh tham s6
r=2+t
y=—3t . Phuong trinh chinh tic ctia dudng thang d 1a

z=—1+5¢
x—2 Y z+1
A. == : B.o-2=y=z+1.
Lo L2 . 2 | Z+1
crirfe_Yv _z27-° pifs_¥_z:7_
1 -3 5 -1 3 -5
Loi giai.

Duong thang d di qua diém M (2;0; —1) v& c6 mot véc-to chi phuong @ = (1; —3; 5) nén c¢6 phuong

, -2 1
trinh chinh tac 1a * - Y _Z + )
1 -3 5

Chon dap an @ O

Cau 38.2. Trong khong gian véi hé toa do Oxyz, viét phuong trinh chinh tic ciia duong thang

d di qua diém A(1;2;3) vi vuong goéc véi mat phang (P): 2z + 2y + z + 2017 = 0.
r+1 y+2 2z+3 r—1 y—2 2-3

A. . B. =
22 22 L 1 22 22 11
c.rlc_Y—=_=*—_ p fte_yte zt1
1 2 3 1 2 3
Loi giai.
d vuong goc véi (P) nén d ¢6 véc-to chi phuong la 7p = (2;2;1).
x—1 y—2 2z-3

Do d6, phuong trinh chinh tic duong thang d 1a IR

Chon dap an O]

Cau 38.3. Trong khong gian toa do Ozyz, viét phuong trinh chinh téc ctia dudng thing d di

qua A(1;2; —1) va vudng géc véi mat phang (P): z + 2y — 3z + 1 = 0.

A‘d:x—i-l:y—i-Q:z—l‘ B‘d:x—O—l:y—i-Z:z—l‘
Lo Ly 2y P
C.d:x_ _ Y- :Z+ ¥y~ :Z+ )

= ) D.d:x_ =
1 2 3 —1 —2 3

L&i giai.
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d di qua A(1;2; —1) v nhan véc-to phap tuyén ciia (P) lam véc-to chi phuong nén c6 phuong
Cor—1 y=—2 241
trinh 1a = = .
-1 —2 3
Chon dap an @ O

Cau 38.4. Trong khong gian Ozyz, cho hai diém A(1;2;3) va B(2;4; —1). Phuong trinh chinh
tac clia duong thang d di qua A, B 1a

A.x—|—2:y+4:z—|—1. B‘x+1:y—|—2:z+3‘
11 22 43 i? <2F4 41
c.Z S _z . D. L Y - .
1 2 —4 1 2 —4
Loi giai.

Ta c¢6 dudng thang d di qua A(1;2;3) va c6 véc-ta chi phuong AB = (1;2; —4). Vay phuong trinh
chinh tic duong thing d 1a = I L ; 2 _ 2:43.

Chon dap an @ O
Cau 38.5. Trong khong gian Ozyz, cho hai diém A(1;0;1), B(—1;2;1). Viét phuong trinh dudng
thang A di qua tam dudng tron ngoai tiép tam gidc OAB va vuong goc véi mat phing (OAB).

r=t =1t r=3+1 r=—1+1t
A A:Qy=1+t¢. B. A:¢(y=1+t¢. C.A:Qy=4+t. D A:y=t
z=1-—1t z=1+t z=1-—1 z=3—1t

Loi giai.
Tam gidc OAB vuong tai O nén tam dudng tron ngoai tiép la trung diem AB c6 toa do 1(0;1;1).
Mit phang (OAB) c6 véc-to phap tuyén 7 = [52, O—E} = (—2;—-2;2).

Suy ra dudng thang A c6 @ = (1;1;—1) va di qua I(0;1;1). Vay phuong trinh duong thang A 1

A~

gj/

x=1
A:{y=1+t.
¥
z2=1-—1

o
N THI TOT NGHIEP THPT 2019-2020

Chon dap an @

Cau 38.6. Trong khong gian v6i hé truc toa do Ozyz, cho hai diém A(1;=2;-3), B(—=1;4;1) vaT;.
r+2 y—2 243

Y

dudng thang d: . Phuong trinh nao dudi day la phuong trinh cta dudng =
—

-1 2
thing di qua trung diém doan thing AB va song song véi d?
AT _ ¥yl _gr o _y=2 o _ oy-l _ gz o oy+tl
1 —1 1 —1 1 1 1 -1
z4+1 z+2 z+1 z—1
2 2 2 2
Loi giai.
Goi M la trung diém doan AB, ta c6 M(0;1; —1). Khi d6 duong thang di qua M va song song
4 p . x y—1 z41
véi d ¢6 phuong trinh 1= 1 =95
Chon dap an @ O

Cau 38.7. Trong khong gian v6i hé truc toa do Ozyz, cho hai diem A(1;2;3) va B(3; —4;5).
Phuong trinh nao sau day khéng phai la phuong trinh ciia dusng thing AB?

r=1+2t r=3—1 r=3+1t r=1+2t
A {y=—-4—-6t. B. {y=—-4+3t. C.{y=—-4-3t. D. {y=2-6t.
z=1+2t z=5—1 z=5+1 z=34+2t
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Loi giai.
Ta c6 AB = (2;-6;2) = AB cung phuong véi cac véc-to ¢6 toa do (—1;3;—1), (1;—3;1). Phuong
r=3+t
trinh duong thang AB 1a { y = —4 — 3¢
z=95+1t.
Ta thay diém M(1; —4;1) khong thdéa man phuong trinh dusng thang AB.
Chon dap an @ O
Cau 38.8. Trong khong gian v6i hé truc toa do Ozyz, cho hai diem A(1;0;1) va B(—1;2;1).
Viét phuong trinh duong thing A di qua tam duong tron ngoai tiép tam gidc OAB va vuong
gbc v6i mat phang (OAB).

r=3+1 r=t r=—1+t r=t
A A Cy=4+t. B.A:{y=1+t¢. C. A: y=t . D. A Cy=1+t¢.
z=1-—1 z=1+1 z=3—1 z=1-—1

Lo gidi.

Ta ¢6 OA = (1;0;1), OB = (—1;2;1) = OA- OB = 0 = OA L OB. Do vay, tam dudng tron ngoai

tiép tam gidac OAB 13 (0;1;1).

Lai co6 [5;4), 5?} = (—2;-2;2) = véc-to chi phuong cua A la 7 = (1;1;-1) = phuong trinh
T =1

dudng thang A: { y=1+t¢.
z=1—-1t

Chon dap an (D) O

Cau 38.9. Trong khong gian v6i hé truc toa do Ozyz, cho hai diém A(1; —2; —3), B(—1;4; 1) va
r+2 y—2 =z+3

dudng théng d: . Phuong trinh nao duéi day la phuong trinh ctia duong

1 —1 2
thing di qua trung diém ctia doan AB va song song véi d?
A.zzy_—lzz—i-l. B‘x—lzy—lzz%—l‘
1 —12 22 1 1—1 12
c rt_Yy-z_ztz pr_y-t_=z+1
1 —1 2 1 1 2

Léfi giai.
Goi A la dudng thing can lap phuong trinh. Ta cé

e Trung diém clia AB 1a I(0;1; —1).

r+2 y—2 z+43

. c6 véc-to chi phuong 1a @(1; —1;2).

e Dudng thing d:

2 . —> N 2 ? ~ - 1 1
Duong thang A di qua I va nhan % (1; —1;2) lam véc-to chi phuong nén A: % = y—l = x; :

Chon dap an @ O

Cau 38.10. Trong khong gian Ozyz, cho hai diém A(1;2;0) v& B(2;1;2). Phuong trinh tham s
ctia dudng thing AB la

=2+ 2t r=1+1 r=1+1¢ r=1+1¢
A Qy=1-1t. B. {y=2+t. C.Cy=2-t. D.¢(y=2-1t.
z=2+t z =2t z =2t z =2
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Loi giai.

Ta c6 AB = (1;—1;2) 1a mot véc-to chi phuong ciia dudsng thang AB.
r=1+1

Phuong trinh tham s6 ctia dudng thang AB 1a { y =2 —¢

z = 2t.
Chon dap an @ O
Cau 38.11. Trong khong gian Oxyz, cho hai diém A(1; —2;6), B(—3;1; —2). Dudng thing AB
AM
cat mat phang (Ozy) tai diém M. Tinh ti s6 B
A. 2. B. 3. c. L D. L.
3 2
Loi giai.
N N 2 . , — . x—1 Y+ 2 2—06
Phuong trinh duong thang AB c6 vecto chi phuong AB = (—4;3;-8) la 4 - 3 - g
M 1 giao diém ctia AB v6i (Ozy) nén thoéa hé
o
_ AN
x—1 y+2 z—-6 T =-2 o
- T 1 N
0 ) =
z= —
z = 0. g
|_
3v89 AM
SuyrauAM:\/T_VQBM:£ Vay B =3. %
|—
Chon dap an Un
LL-

CAU 39. C6 6 chiéc ghé dugc ke thanh mot hang ngang. Xép ngau nhién 6 hoc sinh, gom 3 T
hoc sinh 16p A, 2 hoc sinh 16p B va I hoc sinh 16p C, ngdi vio hang ghé dé, sao cho mai ghé c6 D

dtng mot hoc sinh. X4ac suat dé hoc sinh 16p C chi ngodi canh hoc sinh 16p B bang
AL B. > c. 2. D. L. X
6 20 15 5
Lai giai.

Xép ngau nhién 6 hoc sinh thanh hang ngang, khong gian mau c6 s6 phan ti 6!.
Goi M 1a bién ¢6 "hoc hoc 16p C chi ngdi canh hoc sinh 16p B".
Xét cac truong hgp

~

LUYEN THI TOT N

Truong hgp 1 Hoc sinh 16p C ngoi dau day.

e Chon vi tri cho hoc sinh 16p C ¢6 2 cach.
e Chon 1 hoc sinh 16p B ngdi canh hoc sinh 16p C ¢6 2 cach.

e Hoan vi cac hoc sinh con lai cho nhau c6 4! cach.
Truong hop nay thu duge 2.2.4! = 96 cach.

Trudng hgp 2 Hoc sinh 16p C ngoi gitta hai hoc sinh 16p B , ta gop thanh 1 nhém, khi doé:

e Hoan vi 4 phan ti gom 3 hoc sinh 16p A va nhém gom hoc sinh 16p B va
16p C c¢6: 4! cach.

e Hoan vi hai hoc sinh 16p B cho nhau ¢6: 2! cach.

Nhu vay s6 phan tit ctia bién cd M 1a: 48 + 96 = 144.
) »: 144 1
Xéac suat cua bien c6 M la P(M) = o5
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Chon dap an @ O

Cau 39.1. Xép 5 nam va 2 nit vio mot ban dai gom 7 chd ngoéi. Tinh xac suat dé 2 nit khong
ngoi canh nhau.
6 4
A —. B. -. C.
7 7
Loi giai.

D.

3| Ut
o

Xép hai nit canh nhau c6 2 cach.
Xép 5 nam va nhém nit ¢6 6! cach.
Xép 5 nam va 2 nit sao cho 2 nit canh nhau c¢6 2 - 6! cach.

p 2 2-6! 2
Xac suat de xep 5 nam va 2 nit sao cho 2 nit canh nhau la ==

s 2 5 '

Vay xac suat can tim la 1 — 5=
Chon dap an (C) O
Cau 39.2. Mot nhém c6 7 hoc sinh 16p A va 5 hoc sinh 16p B. Xép ngau nhién 12 hoc sinh
trén ngoi vao mot day 12 ghé hang ngang sao cho méi ghé c6 ding mot hoc sinh ngoi. Tinh xac

suat sao cho khong c6 bat ki 2 hoc sinh 16p B ndo ngoi canh nhau.

7 1 7 1
L B. . L D. .
99 132 C 264 792
Lai giai.

e Xép 12 hoc sinh ngoi vao mot day 12 ghé hang ngang sao cho méi ghé c¢6 ding mot hoc

sinh ngdi c¢6 12! cach.

e Xép 7 hoc sinh 16p A vao 7 ghé, c6 7! cach.
Khi d6 7 ghé da xép hoc sinh 16p A tao ra 8 khoang tréng, ta xép 5 hoc sinh 16p B vao 5
trong 8 khoang trong do, cd A3 cach.
= ¢6 7!+ A3 cach xép 12 hoc sinh ma céc hoc sinh 16p B khong ngoi canh nhau.
Ay T
12! 99"

Chon dap an @ L]

Vay xac suat can tim 1a

Cau 39.3. Xép ngau nhién 10 hoc sinh gom 2 hoc sinh 16p 12A, 3 hoc sinh 16p 12B va 5 hoc
sinh 16p 12C trén mot ban tron. Tinh xac sudt P dé céc hoc sinh ciing 16p luon ngoi canh

nhau. . . . .
A P=—. B. P=—. C. P=—. D P=—.
1260 126 28 252
Loi giai.

S6 phan tit khong gian mau 1a n(Q) = 9!.

Goi E 1a bién ¢6 cac hoc sinh cting 16p luon ngoi canh nhau. Ta c6 cac bude sap xép nhu sau:

e Xép 5 hoc sinh 16p 12C ngoi vao ban sao cho cic hoc sinh nay ngoi sat nhau. S6 cach sap

xép 1a 5.

e Xép 3 hoc sinh 16p 12B vao ban sao cho cac hoc sinh nay ngoi sat nhau va sat nhém ciia
hoc sinh 12C. S6 cach sap xép 1a 3! x 2.

e Xép 2 hoc sinh 16p 12A vao hai vi tri con lai ctia ban. S6 cach sap xép 1a 2!.
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S6 phan tit thuan 1¢i cho bién ¢6 E 1a n(E) = 5! x 3! x 2 x 2!.

7z . 2 Z N E 1
Xac suat cua bién co F la P(E) = n<(§2)> = 156"

Chon dap an O
Cau 39.4. Xép ngau nhién 10 hoc sinh gom 2 hoc sinh 16p 12A, 3 hoc sinh 16p 12B va 5 hoc

sinh 16p 12C trén mot ban tron. Tinh xac sudt P dé céc hoc sinh ciing 16p luon ngoi canh

3

nhau. . . . .
A P=—. B. P=—. C. P=—. D pP=—.
1260 126 28 252
Loi giai.

S6 phan tit khong gian mau 1a n(Q) = 9!.
Goi E 1a bién cb cac hoc sinh ciing 16p luon ngoi canh nhau. Ta c¢6 cac bude sip xép nhu sau:

e Xép 5 hoc sinh 16p 12C ngoi vao ban sao cho cac hoc sinh nay ngoi sat nhau. S6 cach sip

xép 1a 5!.
Z N O
e Xép 3 hoc sinh 16p 12B vao ban sao cho cac hoc sinh nay ngoi sat nhau va sat nhom cﬁag
hoc sinh 12C. S6 cach sap xép 1a 3! x 2. AN
O
e Xép 2 hoc sinh 16p 12A vao hai vi trf con lai ctia ban. S6 cach sap xép 1a 2!. O
QN
S6 phan tt thuan 1gi cho bién ¢d E 1a n(E) = 5! x 3! x 2 x 2!. N
2 2 P . E 1
Xéc sut ciia bién 6 F Ia p(E) = “E) _ L L
n(2) 126 o
Chon dap an L
. . .. L
Cau 39.5. Xeép ngau nhién ba ngusi dan 6ng, hai ngusi dan ba va mot dia bé vao ngoi 61

cai ghé xép thanh hang ngang. Xac suat sao cho dita bé ngoi gitta hai ngusi dan ba 14 bao Z

nhiéu? \<6

1 | 1 | O

A —. B. -. C. —. D. -.

30 5) 15 6 T
Loi giai. =
S6 phan tit ctia khong gian mau 1a n(Q) = Pg = 6! = 720. (E_
Goi A 1a bién c6 xép duge diia bé ngoi gitta hai ngudi dan ba. %
Danh thit tu cac ghé 1a 1, 2, 3, 4, 5, 6. Ta c¢6 cac trudng hop dé xép dia bé ngoi gitta hai ngudi —

dan ba la hai nguoi dan ba ngoi & cac cap vi tri (1;3), (2;4), (3;5), (4;6). O méi truong hgp ta
c6 86 cach sap xép 14 2!-1-3! = 12. D6 d6 s6 phan t1t clia A 1a n(A) =412 = 48.
P n(A) 48 1
X t b AlaPA)=——~=—=—.
ac suat ctua bien co A la P(A) 2(Q) 720 15

Chon dap an @ 0

Cau 39.6. Xép ngau nhién ba ngudi dan ong, hai ngusi dan ba vad mot dita bé vao ngoi 6
cai ghé xép thanh hang ngang. Xac suat sao cho dita bé ngoi gitta hai nguoi dan ba 1a bao

nhiéu? . . .
. —. B. -. e D. —.
30 5 C 15 6

Laoi giai.

S6 phan t ctia khong gian mau la n(Q) = Pg = 6! = 720.
Goi A 1a bién c¢6 xép duge diia bé ngoi gitta hai ngudi dan ba.
Danh thit tu cac ghé 1a 1, 2, 3, 4, 5, 6. Ta c¢6 cac trudng hop dé xép dia bé ngoi giita hai ngudi
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dan ba la hai ngudi dan ba ngoi & cac cap vi tri (1;3), (2;4), (3;5), (4;6). O méi truong hop ta
c6 86 cach sap xép 1a 2!-1-3! = 12. D6 d6 s6 phan tit clia A 1a n(A) =4-12 = 48,
PP n(A) 48 1
X t b AlaPA)=——==—=—.
ac suat cua bién co A la P(A) 2(Q) 720 15

Chon dép an (C) O
Cau 39.7. Xép ngau nhién 5 ban An, Binh, Cudng, Diing, Dong ngdi vao 1 day 5 ghé thang

hang (mdi ban ngdi 1 ghé). Tinh x4c suat dé hai ban An va Binh khong ngoi canh nhau.

A2 B 2. c. L D. 2
5 5 5 5
Li giai.

S6 phan tit ctia khong gian mau 1a n(Q) = 5!.
Goi A 1a bién c¢6 “An va Binh khong ngoi canh nhau.”
Khi d6 A 1a bién ¢ “An va Binh ngoi canh nhau.”

e C6 4 cach chon 2 vi trf lién nhau dé xép An va Binh.
e (6 2! cach xép An va Binh ngoi vao 2 vi tri lién nhau da chon.
e C6 3! cach xép 3 ban con lai vao 3 vi tri con lai.
Suy ra s6 cach sdp xép dé An va Binh ngdi canh nhau 1a
n(A) =4-2!-3! = 48.

Do do

Chon dap an @ O

Cau 39.8. 4 ngudi dan ong, 2 ngudi dan ba va mot dia tré duge xép ngoi vao 7 chiée ghé dit
quanh mot ban tron. Xac suat dé xép dia tré ngdi gitta hai ngusi dan ong la

L B. L c. 2. D. 2.

15 5) 15 5}

Li giai.
S6 cach xép 7 ngudi vao mot ban tron 1 6!.
Goi A 1a bién c6 diia tré ngoi canh hai ngudi dan ong.
Lay 2 nguoi dan ong bat ki c6 6 cach. Cho hai nguoi dé ngoi vao ban canh nhau c6 2 cach. Cho
dita tré va gitta hai nguoi dan ong c¢6 1 cach. éé S%guféizcbn lai c6 4! cach. Vay s6 phan tit clia A

1a 288. Do dé xac suat dé bién c6 A xay ra la T

Chon dap an (C) O
Cau 39.9. C6 hai day ghé d6i dién nhau, mdi day c6 5 ghé. Xép ngau nhién 10 hoc sinh, gom
5 nam va 5 nit ngoi vao hai day ghé d6 sao cho méi ghé c6 dung mot hoc sinh ngoi. Tinh xéc
suat dé mdi hoc sinh nam déu ngoi déi dien véi mot hoc sinh nit.

AL B L c 2 D. L.
63 252 63 945
Lai giai.
Cach 1:

S6 phan tit khong gian mau 1a n(Q) = 10!
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Goi bién c6 A: “Céc ban hoc sinh nam ngoi déi dién cac ban nit .

Chon chd cho hoc sinh nam tht nhat c6 10 cach.

Chon chd cho hoc sinh nam thit 2 ¢6 8 cach (Khong ngoi dbi dién hoc sinh nam thit nhat).
Chon chd cho hoc sinh nam thit 3 c6 6 cach (Khong ngoi ddi dién hoc sinh nam thit nhat, thi
hai).

Chon chd cho hoc sinh nam thit 4 ¢6 4 cach (Khong ngoi ddi dien hoc sinh nam thit nhat, thi
hai, thi ba).

Chon chd cho hoc sinh nam thit 5 ¢6 2 cach (Khong ngoi ddi dien hoc sinh nam thit nhat, thi
hai, thit ba, thit tu).

Xép chd cho 5 hoc sinh nit: 5! Cach.

ta 6 n(A) =10-8-6-4-2- 5! = 460800.
460800 8
Vay P(A) = _°
ay P(A) = == = &3

Cach 2: Chon vi trf bén trai c6 2° cach.
Chon vi tri bén phaic61-1-1-1-1=1 cach.

Hoan vi 5 nam c6 5!.

Hoéan vi 5 nit ¢6 5!.

IEP THPT 2019-2020

n(A) =2°-5!.5!
25 . 5!. 5
pay = 2208
10! 63
Chon dap an @ O
Cau 39.10. Trudc ki thi hoc sinh gidi, nha truong to chitc buoi gap méat 10 em hoc sinh trong,
doi tuyen. Biet cac em do c6 so thi tu trong danh sach lap thanh cap so cong. Cac em ngoi T-
ngau nhién vao hai day ban déi dién nhau, méi day c6 5 ghé va mdi ghé chi dude ngdi mot hoc
sinh. Tinh xac suat dé tong céac s6 thit tu ciia hai em ngoi déi dien nhau la bang nhau.
L B. L. c. L. D. L. .
954 126 945 252
Loi giai.
Gia st s6 thit tir trong danh sach 1a wq, us, us,. .., uio.

~

LUYEN THI TOT NG

Do day nay 1a cap sd cong nén ta c6 uy + uig = ug + ug = ug + ug = Ug + U7 = us + ug.

S6 phan tit ctia khong gian mau 1a n(Q) = 10!.

Goi A 1a bién ¢6 “Tong cac s6 thit tir clia hai em ngodi d6i dien nhau 1a bing nhau”. Dé bién c¢b
nay xay ra ta thic hién lién tiép cac buée sau

Buéc 1: xép thi tu 5 cap hoc sinh c6 cac cap s6 thit tu 1a {ui;uio}, {ug;ug}, {us;us}, {ug;ur},
{us;ug} vao truée 5 cap ghé doi dien nhau. Bude nay c6 5! cach.

Budc 2: xép ting cap mot ngoi vao cap ghé ddi dien da chon & bude 1. Bude nay c6 2° cach.
Suy ra s6 két qua thuan 1gi cho bién c6 A 1a n(A) = 5! - 2.

Vay xac suat clia bién co6 A 1a P(A) = % = %

Chon dap an @ 0

Cau 39.11. Sap xép 12 hoc sinh ctia 16p 12A gom c6 6 hoc sinh nam va 6 hoc sinh nit vao mot
ban dai gdm c6 hai day ghé d6i dien nhau (mdi day gom c6 6 chiée ghé) dé thao luan nhom.

Tinh xac suat dé hai hoc sinh ngdi déi dien nhau va canh nhau luon khac giéi.
9 9 9 9

L B. —. C. . D —.
4158 8316 299760 5987520
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Lo gisi.

Khong gian mau: Sap xép 12 hoc sinh vao 12 ghé, ta c6: n(Q) = 12!

Bién c6 A sap 6 hoc sinh nam vao cac 6 c¢6 danh dau x nhu hinh vé va 6 ghé con lai danh cho
6 hoc sinh nit va ngugc lai.

Vay ta c6: n(A) =2-6!- 6!

X X X

Vay xac suat dé sdp xép 12 hoc sinh vao ban hoc sao cho hai hoc sinh ngdi déi dién nhau va

canh nhau luon khac giéi la:

.6 - 6!
P(A) = 2-6!-6! _ 9 .
12! 4158
Chon dap an (A) O

Cau 39.12. C6 mudi cai ghé (mdi ghé chi ngoi duge mot ngusi) duge sap trén mot hang ngang.
Xép ngau nhién 7 hoc sinh ngoi vao, mdi hoc sinh ngoi ding mot ghé. Tinh xac suat sao cho
khong c6 hai ghé nao trong ké nhau.

A. 0,25, B. 0,46. C. 0,6(4). D. 0,4(6).
Li giai.
Dé c6 mot cach xép chd ngodi thda man, ta cho 7 hoc sinh, méi ngusi ngodi trén mot ghé, sau
do6 xép ba chiéc ghé con lai, méi ghé vao mot vi tri gitta hai hoc sinh bat ki hoac hai dau hang.

Vay ¢6 tat ca 7! C3 cach xép hoc sinh vao hang théa man. S6 cach xép 7 hoc sinh vao hang la
L s . C3
A7,. Vay x4c suat can tim la NG 8 —0,4(6).
10

Chon dép an (D) O

Cau 39.13. C6 mot day ghé gom 6 ghé. Xép ngau nhién 6 hoc sinh, gom 2 hoc sinh 16p A, 2
hoc sinh 16p B va 2 hoc sinh 16p C ngoi vao day ghé d6 sao cho mdi ghé c6 dung 1 hoc sinh
ngoi. Xac suat dé khong c6 hoc sinh 16p C ngdi canh nhau.

A2 B. L c. 2. D. L.
3 3 6 6
Loi giai.

Cho 2 hoc sinh 16p C ngdi canh nhau thanh 1 nhém D.

2 hoc sinh 16p C doi vi tri trong nhém D: 2! cach.

Nhém D d6i vi tri véi 4 hoc sinh con lai: 5! céch.

Khong gian mau: 6! cach.

Xéc suat dé 2 hoc sinh 16p C ngoi canh nhau: 2!6"B! = %
Vay xéac suat dé 2 hoc sinh 16p C khong ngdi canh nhau = 1 —
Chon dap an @ O

2
=3

W

Cau 39.14. Xép ngau nhién 7 hoc sinh nam va 3 hoc sinh nit ngoi xung quanh mot ban tron,
(hai cach xép duge goi 1a nhu nhau néu c6 mot phép quay bién cach ngoi nay thanh cach ngoi
kia). Tinh x4c suit dé 3 hoc sinh nit d6 luon ngdi canh nhau.

2 1
= B. - c. 2 D. L
15 12 10 9
L&i giai.
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Ta c6 s6 phan tit ctia khong gian mau bang s6 cach sap xép 10 phan tt xung quanh mot ban
tron.
Do d6 n(Q) = 9.
Xem 3 nit 1a mot nhém va két hop véi 7 nam suy ra sd cach sap xép 10 hoc sinh, trong d6 3 hoc
sinh ntt ngodi canh nhau 1a 3!7!.

317! 1

Vay xac suat can tim A — = —.
Wy XAcC su n tim 5 5

Chon dép an O

Cau 39.15. Xép ngau nhién 7 hoc sinh nam va 3 hoc sinh nit ngoi xung quanh mot ban tron.

Xac suat dé hoc sinh nit luon ngdi canh nhau la

3 B. L. c 2 D. 2.
10 12 32 D)
Li giai.

Dé xép 10 ban vao ngdi xung quanh ban tron ta co 9! cach.
Goi bién c6 A:"s6 hoc sinh nit luén ngoi canh nhau".

Dé xép 7 ban nam vao ngoi canh nhau ta c¢é 7! cach.

Dé xép 3 ban nita ngdi canh nhau ta cé 3! cach.

Theo quy tac nhan ta c6 3! x 7! cich. Vay: xac suat ciia bién c¢6 A la:
n(A)  3lx7 1

P4) = n(Q 9 12

Chon dap an )
Cau 39.16. Mot 16p c6 36 ghé don duge xép thanh hinh vuong 6 x 6. Gido vien muoén xép 36
hoc sinh, trong d6 c6 hai anh em la Ky va Hgi. Tinh xac suat dé hai anh em Ky va Hgi luone

duge ngodi gan nhau theo chiéu doc hodc ngang.
4 1 1 2
A —. B. - C. —. D. —.
21 7 21 21

Li gii.

~

LUYEN THI TOT NGHIEP THPT 2019-2020

C6 36 hoc sinh, xép vao 36 vi tri nén khong gian mau c6 36! phan ti.

Xem hai hoc sinh Ky va Hgi 1a mot ngusi tén KH.

C6 5 cach xép em KH vao mdi day ghé

Déi chd hai hoc sinh KH ¢6 2 cach

Do d6 ¢6 5-2-6 =60 cach xép KH va 6 day ghé

Tuong tu, ¢6 60 cach xép KH va 6 hang ghé

C6 34! Céach xép 34 hoc sinh con lai va 34 ghé con lai

Dat A 1a bién c¢6 “hai anh em Ky va Hgi luon dude ngoi gan nhau theo chieu doc hodc ngang”

260 - 34! 2
Thi |A] =60-2 - 34! suyraP(A):T:i_

Chon dap an @ O

CAU 40. Cho hinh chép S.ABC ¢6 day la tam gidc vuong tai A, AB = 2a, AC = 4a, SA vuong
goe
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v6i mat phang ddy vd SA = a (minh hoa nhu hinh bén). Goi M la
trung diem ctia AB . Khodng cach giita hai duong thang SM va BC
bang

A2 g, Y6
3 3
3a a
. — D. —.
C 3 2
Loi giai.

Goi N la trung diém ctia AC, ta c6 MN || BC nén ta dugc BC' || (SMN).
Do dé d(BC, MB) = d(BC, (SMN)) = d(B,(SMN)) = d(A, (SMN)) = h.
1

R SRS W TR S SR T
h? AS? AM?  AN?  a?  @®  4a?  4da? -3
Chon dap an @ O
Cau 40.1. Cho hinh chép S.ABCD c¢6 SA L (ABCD) va ABCD la hinh vuong canh 2a, khoang
cach C dén (SBD) la 2a?:/§‘ Tinh khoang cach tit A dén (SCD).

A. z=aV3. B. 2a. C. z=aV2. D. 2 = 3a.

Lai giai.
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Ta c6: CD 1 (SAD) = (SCD) L (SAD) theo giao tuyén SD.
Trong (SAD) ké AH 1. SD,H € SD = AH 1 (SCD).

Vay z = d(A, (SCD)) = AH.

Dit h = d(A, (SBD)). Ta 6 h = d(A, (SBD)) = d(C, (SBD)).

Theo bai d(C, (SBD)) = 2“3\/5 nen h = d(A, (SBD)) = 2“;/5.

Vit dién SABD c6 ba canh AS, AB, AD d6i mot vuong géc nén
1 1 1 1 1 1 1 1 1

1 _ R
2T A T AR T ApE T S <2a\/§)2 P (ap a2 T AT

3
) , D
Do d6 ASAD vudng can tai A c6: SD = ADV2 =2av/2 = = AH = ST = av/2.

Chon dap an @ U

Cau 40.2. Cho lang tru tam gidc déu ABC.A’B'C" ¢6 tat ci cac canh déu bang a. Khodng cach
gitta hai duong thang BC vi AB’ bing

A. “‘F. B. “\2/5. C. af. D. “*2/5.

Lai giai.

Ta ¢6 BC||B'C" = BC|| (AB'C").

Suy ra:

d(BC,AB') = d(BC,(AB'C")) = d(B,(AB'C) =
d(A', (AB'C")). A 71 ¢
Goi I va H lan lugt 1a hinh chiéu vuong goc S
cia A’ trén B'C’ va Al ,

Ta c6: B'C'LA'T va B'C'LA'A %
nén B'C'L (A'Al) = B'C' LA'H.

Ma AILA'H. Do d6 (AB'C') LA'H. A / c

a3
AANT .= ay/21

'/A’AQ—i—A’]Q_ \/a2+(a 3)2 7

Khi d6: d (A, (AB'C")) = A'H =

\V)

av/21

Vay khodng céch can tim 13 —

Chon dap an @ O]

Cau 40.3. Cho hinh chép S.ABC c¢6 SA = 3a va SA L (ABC). Biét AB = BC = 2a va
ABC = 120°. Khoadng cich tit diem A dén mat phang (SBC) bang

3a a

L&i giai.
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Goi I 13 hinh hinh chiéu vuong goéc ctia A trén BC, ta c6 AI L BC.

1)

Mit khic SA L (ABC) nén SA L BC. (2)

T (1) va (2) suy ra BC' L (STA). (3)

Goi H 1a hinh hinh chiéu vuong goéc ctia A trén SI, ta c6 AH 1 SI.

(4)

Tu (3) va (4) suy ra AH L (SBC) nén khoang cach tit A dén mit
phang (SBC) 1a AH. A
Xét tam giac BIA vuong tai I, ta co

Al = AB -sin120° = 2a - ? = aV/3.
Xét tam giac SAI vuong tai A, ta co
2 2 2 2
= et = A= AL [
3a

7.
Chon dap an @ O

Vay khoang cach tit diém A dén mat phang (SBC) bing

Cau 40.4. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudéng canh a, canh bén SA L
(ABCD) va SA = a/2 . Khodng cach tit A dén mit phing (SBC) bang:
2a\/5

A =2 B. /3. C. g D. V2

L&i giai.

Phuong phap

Chitng minh dé tim khoang cach sau dé ap dung hét thiic luong
trong tam gidc vuong dé tinh toan.

Cach giai:

Ké AH L SB={H}

SA 1 AB
Ta c6: = BC L (SAB) = BC' L AH
BC 1 SA
AH 1 SB
= AH | (SBC) = d(A;(SBC)) = AH
AH | BC
Ap dung he thiic luong trong ASAB c¢6 dudng cao AH ta co:
d(A; (SBC)) = AH — SA.AB _ av/3a :a\/g.
VSA2 + AB?  \/3a? + a? 2
Chon dap an @ O

Cau 40.5. Cho hinh lang tru tam gidc déu ABC.A'B'C’ ¢6 tat ca cac canh déu bang a. Khoang
cach tit A dén mat phang (A’BC) bang

A OV3 B, a2l c. a2 p. V6,
4 7 2 4
Loi giai.
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Goi H la trung diém ctia BC, do gia thiét AABC déu nén

AH:“T\/§ va AH L BC' (1)

Do AA" 1 (ABC) suy ra AA" L BC (2).

T (1), (2) ta suy ra BC L (AA'H).

Trong miat phang (AA'H) ké AT L A’H  (3).

Theo ching minh trén BC' L (AA'H) nén BC L Al (4).

Tu (3), (4) suy ra Al 1 (AA’H) do d6 khoang cach tut A dén
mat phang (A’BC) 1a Al

. . 1 1 1 4
Xét NAA'H ta (230 12 = AAP + YV i + 2
21
suy ra AI? = 3% o Al = a\é_'
. . N 21
Vay khoang cach tit A dén mat phang (BA'C) bang a\é_.
Chon dap an ]

Cau 40.6. Cho tt dién OABC ¢6 OA,0B,0C doi mot vuong goc véi nhau va OC = 2a,
OA = OB = a. Goi M la trung diém ctia AB. Tinh khodng cach gitta hai dudng thang OM
va AC.

A 2 B, 254, c. V2 p. Y2,

3 5 3 2
Lai giai.

Dung hinh binh hanh AMOD, OM 1 AM nén hinh binh
hanh AMOD la hinh chit nhat. Goi H 1a hinh chiéu vuong
goc ciia O trén duong thing CD. Ta cé

AD 1 DO
= AD L OH = OH 1 (ACD). (1)

AD 1 CO

OM || (ACD) = d(OM, AC) = d(O, (ACD)). (2)
T (1) va (2) suy ra

0C-0D 23

d(OM, AC) = OH = _
ocz+yoD? 5

Chon dap an O

Cau 40.7. Cho tit dien déu ABCD canh a, tinh khoadng cach gitta hai duong thing AB va

CD.
A. “‘/5. B. “\/g. C. “‘/g. D. a.
2 2 3
L&i gidi.
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Ta c6 ND, NC lan lugt 1a dudng cao ctia cac tam giac déeu ABD

3 . .
va ABC canh a nén ND = NC = %. Tam giac NCD can 6 N

va M la trung diem C'D nén MN L CD.
Chtng minh tuwong tu ta ¢c6 MN L AB. Suy ra MN la doan
vuong goc chung cua AB va CD nén d(AB,CD) = MN.

2 2
Dung cong thic Hé-rong, ta c6 Syep = \/:la .
25NncD av/2
MN = = .
Suy ra oD 5
Chon dap an @ O

Cau 40.8. Cho tit dien déu ABCD canh a. Goi M la trung diém canh AD. Tinh khoang céch
gitta hai duong thing AB va CM.

A VI B. 2. c. @S D V2
2 2 3 11
Loi giai.
Goi N la trung diém ctia BD, C
ta c6 AB || MN = AB || (CMN). Ma CM C (CMN),
suy ra d(AB,CM) = d(AB,(CMN)) = d(A,(CMN)) =
d(D,(CMN)).
a3 a
TaCOCM C’N—TMN—§
Goi H la trung diém ctia M N, ta c6 CH L MN | va D B
CM? = MH? = W_
1 V11
SuyraSCMN:—CH-MN:aI/_ A
1a*V2 _ a’v2
Mat khac VC’DMN = _VABCD 4 12 13 .
Do d6 d (D, (CMN)) = 2YeDuN _ av22
SACMN 11
Chon dap an @ O

Cau 40.9. Cho hinh chop S.ABCD c6 day la hinh ch nhat, AB = a, AD = 2a. Tam giac SAB
can tai S vi nim trong mit phing vuong géc véi day. Goc gitta dusng thing SC va mit phing
(ABCD) bang 45°. Goi M la trung diém ctia SD. Tinh theo a khoang céch d tit diem M dén
mat phang (SAC).

A av'1315 B 2a+/1315 C av'1513 D 2a+/1513
T T89 C T 89 N TTR9
L&i giai.
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Goi H,M,N la trung diém cac canh AB,SD,AD. Tit gia thiét ta c6 SH L (ABCD) va

—— 1
SCH = 45°; tam giac SHC vuong can nén SH = HC = \/;a'

MN || SA suy ra

d(M, (SAC)) = d(N, (SAC)) = d(H, (SAC)). (1)

Dung HE | AC,HF 1 SE. Dé thay HF 1 (SAC) (2). Tu (1) va (2) suy ra

HE-SH V151
d(M, (SAC)) = HF = SH___ avIols,
VHE? + SH? 89
Chon dap an (C) O
Cau 40.10.
Cho lang tru ding ABC.A'B'C’ c¢6 day la tam gidc vuong tai v
S P /!
A, AB = AC = b va c¢6 cac canh bén bang b. Khoang cach gitta hai B
duong thang AB’' va BC bing w
2
A.b. B. /3. C. % D. ?
C’ _________________
B
A
Loi giai.
Cach 1: K
N « 2 . / T
Goi I, K lan lugt la trung diem BC, B'C’. Trong tam giac ¢ i B
TAK ké dudng cao IH. ! ,,:
Ta c6 BC || B'C' = BC || (AB'C"). Khoéng cach giita AB' ;o
va BC bing khoang cach gitta BC' va mat phang (AB'C’). ;o
Ta c6 BC' L AI (vi AABC vuodng can), BC L IK nén BC' L IIUH |
(AIK) = BC L IH. o AW I G
Do d6 IH L (AB'C") (Wi IH L AK,IH L B'C"). Nen khoéng iy B
cach gitta AB' vi BC bing IH. -
) V2b 1 1 1 V3 A
Ta c6 Al = 5 nén AIQ+1K2 = T :>IH:T.
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Cach 2: o

Goi I, K lan lugt la trung diém BC, B'C’. Trong tam giac / ,’I: K B
TAK ké dudng cao IH. / i
Ta ¢6 BC || B'C" = BC || (AB'C"). Khoang céch gitta AB’ / |
va BC bing khoang cach tit C' dén mat phing (AB'C’). ;o
Ta c6 o
BC? 202 12 y OO\ T =
Al =AC?—CI? = AC? - = =P - = s A= —. iy B
1 12 NG)
A
\ T b2 3
Va AK = AC’Q — C/K2 = 2b2 — E = Eb
) 1 3,
Ta co VC.AB’C’ = gh . SAB’C’ = ?h - be.
1 1 p 5
VaBCC = §AM -Scop = 6b3. Trong do6 h la khodng cach tit C' den mit phang (AB'CY).
1
Do do ﬁh-bQZ—b?’:h:%.
6 6 3
Chon dap an @ O

Cau 40.11. Cho hinh chép S.ABCD c6 day 1a hinh vuong canh a, tam gidc SAB déu va ndm
trong mat phang vuong géc véi day. Khoang cach giita hai dusng thang SA va BC bang

A. aV2. B. a;/g. C. a\2/§' D. a.

Loi giai.

Goi H la trung diem AB. Do ASAB déu nén SH 1 AB.

Vi ASAB nim trong mat phing vuong géc véi day nén SH L
(ABCD).

Suy ra SH | BC.

Trong mat phing (SAB), ta ké BK 1 SA.

Lai c6 BC L AB = BC L (SAB) = BC L BK.

Vay BK la duong vudng goc chung ciia SA va BC.

Khoang céch giita hai duong thang SA va BC bang BK va bang
av/3
5

Chon dap an @ O

Cau 40.12. Cho tu dien OABC ¢6 OA,0OB,0C doéi mot vuong goéc véi nhau va OC = 2a,
OA = OB = a. Goi M la trung diém ctia AB. Tinh khoang cach giita hai dusng thing OM va
AC.

- B, 2V5e c V2 p. Y2
3 5 3 2
Li giai.
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Dung hinh binh hanh AMOD, OM 1 AM nén hinh binh
hanh AMOD la hinh chit nhat. Goi H 1a hinh chiéu vuong
goc ciia O trén duong thang CD. Ta cé

AD 1 DO
= AD 1 OH = OH 1 (ACD). (1)

AD 1 CO

OM || (ACD) = d(OM, AC) = (O, (ACD)). (2)
T (1) va (2) suy ra

0D 2
AOM, AC) — o — —2€-OD Via

VOC?+0D?2 5
Chon dap an O]
Cau 40.13. Cho tt dien déu ABCD canh bang 4. Khodng céach giita hai dudng thang AB va
CD bang
A. 2V/2. B. 2. C. 3. D. 2V/3.
Loi giai.
Goi M, N lan luot la trung diém ctia CD va AB. A
Khi d6 AABM can tai M, ACDN can tai N.
MN L AB ) NA <
Do do6 , suy ra M N la doan vuong goc chung cua 2 duong
MN L CD B D
théng AB va CD. N
AB 13 M
Xét ANAMN vuong tai N c6 AN = -5 = 2, AM = - = 24/3 nén C
MN = VAM? — AN? = 2/2,
Chon dap an @ O

Cau 40.14. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuong canh bang a, SA L (ABCD)
, SA = av/3. Goi M la trung diém SD. Tinh khodng cach giita hai dutng thing AB va C'M.

A OV3 B, 20V3. c. 3¢ D. 43,
1 3 1 5
Loi giai.
AB|| CD
Ta co = AB || (SCD).

AB ¢ (SCD)
Suy ra d (AB,CM) = d (AB, (SCD)) = d (A, (SCD)).
Goi H 1a hinh chiéu ctia A len duong thing SD = AH 1 SD.
(1)
CD 1 AD
Ta co = CD L AH. (2)
CD 1 SA (SA L (ABCD))
Twu (1) va (2) suy ra AH L (SCD) = d(A,(SCD)) = AH.

A-AD .
AH S av3-a _a\/§

T VS ADE JaBEia 2
av/3
2

Vay d(AB,CM) =
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Chon dap an @ O

Cau 40.15. Cho ti dién déu ABCD canh a, tinh khodng cach giita hai duong thing AB vi

CD.

NS 5 o2 » b

3 2 2
Loi giai.
Goi M, N la trung diém ctia AB, CD. A
Ta c6: AABC = ANABD = MC =MD
= AMCD can = MN 1L CD.
AACD = ABCD = NA = NB M [
= ANAB can = MN | AB.
Suy ra M N la doan vuong goc chung cua AB, CD. B o
= d(AB,CD) = MN.
S
Trong ABMN ta c6:MN = +/BN2 — BM? = %5. N
D

Chon dap an O

Cau 40.16. Cho tit dién déu ABCD c6 canh bang 2a. Tinh khoang cach gitta hai dudng thang
AB va CD.

A. aT\/Z B. %3 C. a/2. D. aV3.
Loi giai.
Goi M, N lan lugt la trung diém ctia AB va CD thi MN la doan D

vuong goéc chung ciia AB va CD (tinh chat ti dien déu). Do do,
d(AB,CD) = MN.

. N 2a AN
Tam gidac ABD déu canh 2a nén
DM = ?261 = V/3a. Vay A C
M@
MN =+/DM?2 —~ DN? = \/3a® — a% = aV/2.
B
Chon dép an (C) O

Cau 40.17. Cho lang tru ding ABC.A'B'C' ¢6 day ABC la tam giac vuong tai A. Goi E la
trung diém ctia AB. Cho biét AB = 2a, BC' = \/13a, CC’ = 4a. Tinh khoang cach giita hai duong
thing A'B va CE.
- B. 2% c. 3. D. %
7 7 7 7

L&i giai.
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Goi F la trung diém clia A’A, suy ra mat phang (CEF) || A'B.
Do d6 khoang cach gitta hai duong thang A’B va CE bang khoang
cach gitta A’B v6i (CEF). Suy ra

d(A'B,(CEF)) =d(B,(CEF)) =d(A,(CEF)).

Ké AK 1 CE;AH 1 FK thi AH 1 (CEF) hay
d(A,(CEF)) = AH.
1_1+1_1+1+1_1+1 149
AH?  AF?  AK?2 AF?  AE? AC? a2 942 4a2  36a2’
Suy ra d(CE,A'B) =d (A, (CEF)) = AH = 67a.
b6a

Vay khoang cach gitta A’B va CE la d (CE, A'B) = -

Chon dap an @

AI

A

C/
B/
N~
NS
\ ~
\ ~
\\H \\\
~
////6\\ \\\\\
_::‘__T\____:—,_’ C
\\§” -
E
B

Cau 40.18. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Tinh khoang cach giita hai ducong

thing BC’ va CD'.
A. av2.

Loi giai.

Ta ¢6 CD" || BA" suy ra CD' || (BA'C') = d(BC',CD')

d(D',(BA'C")) = d(B', (BA'C")).

Xét ti dien B.A'B'C' ¢6 BB', B'C', B'’A" d6i mot vugng gbc véi

R 1 1 1 1
nhau nén d2(B, (BA'C")) = B B2 + B A2 + B -

= d(B, (BA'C")) =

c. w3

B.
3

2a.

a?
a

3
5

Vay khoang cach giita 2 dudng thang BC’ va CD’ la %5.

Chon dap an @

D a\/§
e
A B
"
N
D = C
[
| \
A
\
f \
Do
\ \
A K- «B
\\\\\\
D’ c’
UJ

Cau 40.19. Cho hinh lap phuong ABCD.A'B'C'D' canh a. Khoang céch gitta hai dudng thang

AB' va BC' bang

2
A. a3, B. av2. C. a\f. D. ‘“2/_.
Loi giai.
Chon hé truc toa do nhu hinh vé. z
Ta co A_(p_;)O;O), B'(a; 0;_@_)_,)3(&; 0;0), C'(a;a;a). D
Suy ra AB' = (a;0;a), BC' = (0;a;a). Al
Khi do [AB’,BC’] = (—az; —a2;a2), AB = (a;0;0). B’ i '
.50 8| |
Vay d(AB’, BC") = — = —. N
‘ (4B’ BJ] V3 N
% 5
x B C
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Chon dap an (C) O

Cau 40.20. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Tinh khoang céach tit diém A dén
mit phing (A’BD) theo a.

Loi giai.
Goi O la tam cta hinh vuong ABCD. A B
Ké AH L A0 (1)

{AO 1 BD (ABCD]1a hinh vuong tamO)

~

Vi

AA' 1 BD (AA' L (ABCD)) .
= BD 1 (AAO)= AH 1. BD (2). \
T (1) va (2), suy ra AH L (A'BD). \
Khi d6 d(A, (A'BD)) = AH. Ta ¢6 AO = ‘gﬁ o
Xét AA’AO vuong tai A, AH 1a dudng cao A* B

1 1 1 1 2 3 a3
AR AR Al @ 2 e M

a3
o

Chon dap an (A) O

Vay d(4, (A'BD)) = AH =

CAU 41. C6 bao nhiéu gia tri nguyen ctia tham sé m sao cho ham s6 f(z) = %xg +ma?+4r+3
dong bién trén
A. 5. B. 4. C. 3. D. 2.
Loi giai.
Ta c6 f'(z) = 2% + 2mx + 4.
Ham s6 da cho dong bién trén R khi va chi khi f/(z) > 0,Vz € R (Dau "=" x4y ra tai hitu han
diém).
Taco: fl(r) >0Vr e RS A <0 A =m? -4<4& -2<m<2
Vim e Z nén m € {—2;—1;0;1;2}. Vay c6 5 gia tri nguyén ctia m thda man.
Chon dap an @ O
Cau 41.1. Cho ham 86 y = —2% — ma? + (4m +9)z + 5 (v6i m la tham s6). C6 bao nhiéu gia tri
nguyén ctia m dé ham s6 nghich bién trén khodng (—oo; +00)?
AT B. 6. C. 5. D.s.
Li giai.
Ta c6 v = —32% — 2ma + 4m + 9.
Ham s6 nghich bién trén khoang (—oo; +00)

& Yy <0,V € (—o0; +00)
& =322 —2mz+4m+9 <0, Vz € (—oo; +00)

a<0 —-3<0
= =
A <0 m2+12m+27 <0

&S —9<m< -3
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= m € {-9;-8 —~7;—6;—5; —4; —3} (vi m la s6 nguyeén)

Chon dap an @ O

Cau 41.2. C6 bao nhiéu gia tri nguyén clia tham sé m thuoc khodng (—2019;2020) dé ham s
y = 22% — 3(2m + 1)z + 6m(m + 1)z + 2019 dong bién trén khodng (2; +00)?

A. 2021. B. 2020. C. 2018. D. 2019.
Loi giai.
Ta c6 v = 622 — 6(2m + 1)z + 6m? + 6m.
Xéty =0 22— 2m+1Lz+m?+m=0,c6 A=(2m+1)2—4(m?+m) =1> 0, ¥m € R. Suy
ra phuong trinh 4/ = 0 luon c6 hai nghiém phan biét: z1 = m; 9 = m + 1. Dé thay =1 < .
Bang bién thién

T | —00 m m—+1 +00
Y + 0 - 0 +
y(m) 00
—00 y(m+1)

Dua vao bang bién thién ta thay ham s6 dong bién trén mdi khoang (—oo;m); (m + 1; +00). Vi
thé, ham s6 dong bién trén (2: +oo0) khim+1<2 e m <1,
Suy ra c6 2020 gia tri nguyén cltia m thda man yéu cau dé bai.
Chon dap an O
Cau 41.3. Cho ham s6 y = —2% — ma? + (4m + 9)z + 5, v6i m 1a tham s6. C6 bao nhiéu gia tri
nguyeén ciia m dé ham sé nghich bién R?
A. 6. B. 4. C. 7. D. 5.
Loi giai.
Tap xac dinh cia ham s6 2 = R.
Ta c¢6 y = —3m? — 2ma + 4m + 9.
Do phuong trinh 3 = 0 ¢6 hitu han nghiém nén ham s6 nghich bién tréen R < 3/ < 0,Vx € R.

o =322 —2mr+4m+9<0,Vz € R,
o AN =m?+12m+27<0(do a = -3 <0)

& —9<m < -3

Do m € Z nén m € {-9; —-8; —7; —5; —4; —3}.
Vay ¢6 7 gia tri m théa man yéu cau bai toan.
Chon dap an @ .

mx + 10

Cau 41.4. C6 bao nhiéu gia tri nguyen ctia tham sé m dé ham s6 y = nghich bién
m

trén khoang (0;2)7?

A. 4. B. 5. C. 6. D. 9.
Loi giai.
2
) . ) m? — 20 < 0
Ham so y = ma + 10 nghich bien trén khoang (0;2) <

2+ m —%g(w)
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— V20 <m <20 — V20 <m < V20

m —V20<m< —4
& _ESO & m >0 &
m 0 <m < v20.
— 2 >9 m < —4
5 =
Vay m € {—4;0;1;2;3;4; }.
Chon dap an (C) O]

Cau 41.5. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham s6 y = 2% — (m + 1)2® + 3z + 1
dong bién trén khodng (—oo; +00)?

A. 6. B. 8. C. 7. D. 5.
Lai giai.
Ta c6 v =322 —2(m + 1)z + 3.
Ham s6 da cho dong bién trén (—oo; +0o) khi v chi khi A’ = (m+1)2-9<0& —4<m <2,
Vay cac gia tri nguyén ctia m thoéa yéu cau bai toan 1a —4, -3, -2, —1,0, 1,2, tic 1a c¢6 7 gia tri.
Chon dap an (C) ]

Cau 41.6. C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc doan [—2017;2017] dé ham sb
y = 23 — 622 + max + 1 dong bién trén (0; +00)?
A. 2030. B. 2005. C. 2018. D. 2006.
Loi giai.
Ta c6 ' = 322 — 122 + m.
Dé ham s6 dong bién trén (0; +o0) thi 3/ = 322 — 122 +m > 0,Vz > 0 & m > —32% + 122,V > 0.

x 0 2 +o0
Y + 0 —
12
Yy / \
0 —00

Dé ham s6 dong bién trén khoang (0; +0c) thi m > 12, do dé c6 2006 gia tri m thda yéu cau bai
toan.

Chon dap an @ O

Cau 41.7. C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc doan [—2017;2017] dé ham sb
y = 23 — 622 + ma + 1 dong bién trén (0; +00)?
A. 2030. B. 2005. C. 2018. D. 2006.
Loi giai.
Ta c6 ' = 322 — 122 + m.
Dé ham s6 dong bién trén (0; +oc) thi ¢/ = 322 — 122 +m > 0,Vx > 0 < m > —32% 4 12z, Y2 > 0.

Bién soan € suu tam: Ths Nguyén Chin Em Trang 152


https://www.facebook.com/groups/GeoGebraPro/

r 10 2 +oo
Y + 0 -
12
0 —00

Dé ham s6 dong bién trén khoang (0; 4+o0c) thi m > 12, do dé c6 2006 gia tri m thda yéu cau bai
toan.

Chon dap an @ U

Cau 41.8. C6 bao nhiéu gia tri nguyén ctia m dé ham s6 y = 23+ 322 — (m? —3m+2)z + 5 dong
bién trén (0;2)7?

A. 3. B. 2. C. 4. D. 1.
Loi giai.
Tacoy =23 +322 — (m? —=3m +2)x + 5=y =322 + 62 — <m2—3m+2).
Ham s6 dong bién trén khoang (0;2) khi &/ > 0,Vz € (0;2) va dau "=" xay ra tai hitu han diém

trén khoang do.

& 3z% + 6z — (m? —3m+2) >0,Vz € (0;2)

& 322 + 62 > m? — 3m +2 () véi Vo € (0;2)

Xét ham s6 y = g(z) = 322 + 62 trén khoang (0;2)
Ta co y = ¢ (x) = 62 +6.

Bang bién thién

x 0 9
g'(v) +
24
g9() /
0

Dua vao bang bién thién suy ra diéu kien dé (x) xdy rala : m? —3m+2<0<1<m < 2.
Dom e Z = m e {1;2}.
Vay c6 2 gia tri cia m théa méan yéu cau bai toan.

Chon dap an O

Cau 41.9. C6 bao nhiéu gia tri nguyén ciia tham sd m € (—2018;2018) dé ham sb y

dong bién trén khoang (5; +00)?
A. 2018. B. 2021. C. 2019. D. 2020.
Loi giai.
Tap xac dinh 2 =R\ {m}.
,  6—2m

(x —m)>

Bién soan € suu tam: Ths Nguyén Chin Em Trang 153


https://www.facebook.com/groups/GeoGebraPro/

) 20 —6 .. . )
Ham so y = i dong bién trén khoang (5;+00)
r—m

, 6—2m >0 m <3
sy >0,Vre (b +0) & )@ < m < 3.

m ¢ (5; 400 m <5
) o [me(~2018;2018)
Két hgp dieu kién = m € {-2017,—-2016,...,0,1,2}.
m € 7
Vay ¢6 tat cd 2 — (—2017) + 1 = 2020 gi& tri m théa man.
Chon dap an @ O

Cau 41.10. C6 bao nhiéu gia tri nguyen ctia tham s6 m dé phuong trinh cos® z+ (m — v/3sinz) S
2 cos (x — 2%) +m = 0 c6 nghiém.

A. 2. B. 3. C. 5. D. 4.
Lai giai.

Ta co

3 2
cosgx+<m—\/§sinw> —2cos(:v—§)+m—0 (1)
3
= cos?’x+<m—\/§sinx> +cosz — V3sinz +m =0

= COSg.CE—FCOS.Z’ = (\/gsin:c—m)g—i— (\/55271{[—771)

Xét ham f(t) =13 +t.

Ta co f/(t) =32 +1>0, Vt € R.

= f(t) dong bién trén R = phuong trinh (1) c6 nghiém khi cosz = v/3sinz—m < /3sinz—cosz =

m (2)
Phuong trinh (1) c6 nghiém < phuong trinh (2) c6 nghiem < —2 <m < 2.

Vime Z nén m € {-2,—-1,0,1,2}.

Chon dap an @ U
Cau 41.11. C6 bao nhiéu gia tri nguyén m trén doan [—1;5] dé ham s6 y = 2;:;’7? dong bién
trén khoang (—oo; —3)?

A. 2. B. 6. C. 5. D. 3.

Lot gisi.

Tap xac dinh ctia ham s6 1a 2 = (—oo0; —m) U (—m; +00).
m »

m v6l Vo 7£ —m.

Néu m = 0 thi ham s6 tré thanh y = 2 1a ham hing trén R. Do d6, ham s6 da cho dong bién

trén (—oo; —3) khi va chi khi

Dao ham ctia ham s6 1a ¢/ =

m

5 >0 m > 0 m >0
(& +m)? & & & 0<m<3.
—m ¢ (—o0; —3) —m > -3 m <3
Do m nguyén va m € [—1;5] nén m € {1;2;3}.
Chondépém@ O
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Cau 41.12. C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc doan [—100;100] dé ham sb
y = ma> +ma? + (m + 1)z — 3 nghich bién trén R.
A 200. B. 99. C. 100. D. 201.

Loi giai.
Khi m = 0, ham s6 tré thanh y = z — 3, day 1a ham s6 dong bién tréen R (khong thoéa yéu cau
bai toan).
Khi m # 0, ta c6 v = 3ma? + 2ma +m + 1.

o . . m? —3m(m +1) <0 3
Ham s0 nghich bién trén R khi va chi khi ¢/ <0,Vz € R & { N s m < —5
Vay ¢6 99 gia tri m thudc doan [—100;100] thoa yéu cau bai toan.
Chon dap an O

Cau 41.13. C6 bao nhiéu gia tri nguyén duong ciia tham sé m dé phuong trinh mcos?z —

4sinzcosz +m — 2 =0 c6 nghiém thudc khoang <0; %) ?

A 1 B. 3. C. 2 D. 4.
Loi giai.
Véi x € (O; %) thi cosx # 0, chia hai vé clia phuong trinh cho cos? z, ta c6
pt & m —4tanz + (m — 2)(1 +tan?z) =0 < (m — 2)tan?x — 4tanx + 2m — 2 = 0.
Dit ¢ — tanz, khi z (0; g) thit € (0;1).

22 + 4t + 2
tem-2Dt2—4t+2m—-2=0m= —— =
p (m—2) +2m m )
22 + 4t + 2 —A4t2 4 4t 48 t=-1_
Xét fH)=———""" )= ——— "~ f)=0& loai).
€ f() t2—|—2 7f() (t2—|—2)2 7f() =9 (0a1>
x| 0 1
Y +
8
Yy /3
1

™

2 .« L N ~ ~ [N ~ 2 . 8 ~
T bang bien thién ta suy ra phuong trinh c6 nghiém thudc khoang (0; 4) khi 1 <m < 3> Vay

c6 1 s6 nguyén duong m thdéa yéu cau bai toan.

Chon dap an @ O]
Cau 41.14. C6 bao nhiéu gia tri nguyén ciia m dé phuong trinh v/sinz + 24+ /m — sinz = 2 ¢6
nghiém?
A. 2. B. 3. C. 1 D. 0.
Loi giai.
u=+Vsinx + 2 u? =sinz + 2
Dit (1 <u<+v3). Khidé = u? + 03 =m + 2(x).
v=+vm—sinx 03 =m —sinz

Talaicou+v=2=v=2—u.
(*) tr6 thanh w? + (u =2 =m+2e&m=u® - 5>+ 12u—10 (1).
Xét ham s f(u) = u® — 5u? + 12u — 10 trén R ta c6 f/(u) = 3u? — 10u + 12.
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f'(u) = 0 vo nghiém nén f(u) dong bién trén R.

Phuong trinh da cho c¢6 nghiém khi phuong trinh (1) ¢6 nghiem 1 < u < /3
hay f(1) <m < f(V/3) & —2<m < —25+ 15v/3.

Vi m nguyén nén m € {—2;—1;0}.

Vay c6 3 gia tri nguyén ciia m thoa dé bai.

Chon dap an O

Cau 41.15. C6 bao nhiéu gia tri nguyén ctia m dé ham s6 y = (2m + 3)sinz + (2 — m)z dong
bién trén R?
A. 4. B. 5. C. 3. D. 6.
Loi giai.
Ta c¢6 y' = (2m + 3) cosz + (2 — m).
Ham s6 y = (2m + 3)sinx + (2 — m)x dong bién trén R

& (2m+3)cosz+(2—m) >0, Ve R
& —2m+3[+(2—-m) >0

1

Vim e Z nén m € {-5;—4; -3, —-2; —1}.
Chon dap an O

Cau 41.16. C6 bao nhiéu gia tri nguyén ctia tham s6 m sao cho ham s6 y = (m — 3)x — (2m +
1) cos x luon nghich bién trén R?
A. vo sb. B. 1. C. 3. D. 5.
Loi giai.
Ta c6y' = (m—3)+ (2m + 1)sinz.
Yéu cau bai toan tuong duong véi i < 0,Vr € R.
Dat t = cosx, suy rat € [-1;1] Ve € R. Xét f(t) = (m —3)+ (2m + 1)t,t € [-1;1].

) f)<o —m—4<0 2

Do d6, max f(t) < 0= & & —4<m< -,
[~151] f(=1)<0 3m—2 <0 3
Vay m € {—4;-3;-2;—1;0}.
Chon déap an (D) O
Cau 41.17. C6 bao nhiéu gia tri nguyén am ctia m dé ham s6 y = 2+ 5+ 1_—7721 dong bién trén
[5; +00)7? )
A. 10. B. 8. C. 9. D. 11.

Loi giai.
Tacoy —14 =L @D Mol g6 da cho dng bien tren [5: +o0) khi va chi khi

Goar T ap
y' > 0,Vx € [5; +00). Diéu nay tuong duong vdi

(z—22+m—1>0Vz e [5;+o0) &m>—(5-2)2+1=-8.

Vay m € {=8; —7; —6; —5; —4; —3; —2; —1}.
Chon dap an @ -
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3 2

Cau 41.18. C6 bao nhiéu gié tri nguyén ctia m dé ham sbé y = % - —— 2042019 dong bién
trén R?
A. 3. B. 4. C. 5. D. 6.
Lo gisi.
Ta c6 v = x> — ma + 2.
Ham s6 da cho dong bién trén R
Sy >0,VzeR & {a1>0 & -2/2<m<2vV2=m € {-2;-1;0;1;2}.
A=m*-8<0
Vay ¢6 5 gia tri m nguyén théa man yéu cau bai toan.
Chon dap an (C) O]

. ., . ~ 2 £ 2 N L 3
Cau 41.19. C6 bao nhiéu gia tri nguyén duong ctia tham so m de ham so y = Zx“ —(m—1)2? -

ﬁ dong bién trén khodng (0; +00)?
A 1 B. 2. C. 3. D. 4.
Loi gisi.
Tap xac dinh 2 = R\ {0}.
y =323 —2(m — 1) + =
Ham s6 dong bién trén khoang (0; +o0o) khi va chi khi 3/ > 0, Va € (0; +00)

1 3 1
<:>3m3—2(m—1)x+ﬁ20,‘v’x€(0;+oo)<:>m<§x2+1+ﬁ,VIE(O;+oo).

z N A 32 1
Xét ham so f(x)z;x +1—|—ﬁ,x€ (0; +00).
Ta ¢6 f'(x) :3x—ﬁ, z € (0; 400).
3
"(z)=3r— ==0& 2 ==+1.
fla)=3r- 5 =0ez

Bang bién thién:

Tt bang bién thién ta thay m < f(z), Vo € (0;+00) & m < (Omin) flz) &m <3.
;400

Gia tri nguyén duong ctia tham s6 m lam =1, m =2 va m = 3.

Chon dap an (C) O

Cau 41.20. C6 bao nhiéu gia tri nguyén m € (—10;10) dé ham s6 y = m?2* — 2(4m — 1)z + 1
dong bién trén khoang (1;+00)?
A 7. B. 16. C. 15. D. 6.
Loi giai.
Dat ¢t = 22,
Ham s6 da cho dong bién trén (1;+o0) khi ham s6 y = m?t?> — 2(4m — 1)t + 1 dong bién trén
khoang (1;+00), tic la
y' = 2m* —2(dm — 1) > 0,Vt > 1 (%)
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Xét 2 truong hop
o m=0thiy =2>0, théa man.

e m #0.
Khi d6 vé trai ctia () 13 ham bac nhat. Do d6 (x) chi théa man khi

{m22>0 @m€<_00;2—\/§:|u|:2+\/§;+00>.
2m*-1—-2(4m—1) >0

Vay v6i m € (—10;10) thi c6 tat ca 16 gia tri nguyén ctia m.
Chon dap an O

Cau 41.21. C6 bao nhiéu gia tri nguyén m € (—10;10) dé ham s6 y = m?2* — 2(4m — D)a? + 1
dong bién trén khoang (1;+00)?
A 7. B. 16. C. 15. D. 6.
Loi giai.
Dit ¢ = 22,
Ham s6 da cho dong bién trén (1;+oc) khi ham s6 y = m?t? — 2(4m — 1)t + 1 dong bién trén
khoang (1;+o00), tic la
Y =2m* —2(4m —1) > 0,Vt > 1 (%)

Xét 2 truong hop
e m =0 thiy =2 >0, théa man.

e m #0.
Khi d6 vé trai ctia (x) 14 ham bac nhat. Do d6 (x) chi théa man khi

{m2>0 @me(—oo;Q—\/g}UP—l—\/gH—oo).

2m? -1 —2(4m —1) >0

Vay v6i m € (—10;10) thi c6 tat ca 16 gia tri nguyéen ciia m.
Chon dap an O

CAU 42. Dé quang bé cho san pham A, mot cong ty du dinh t6 chiic quang céo theo hinh thiic
quang cao trén truyen hinh. Nghién cttu clia cong ty cho thay: néu sau n lan quang cdo duge phat
thi ti 16 ngudi xem quang cédo d6 mua san pham A tuan theo cong thitc P(n) = 1 490005
Hoi can phat it nhat bao nhiéu lan quang cado dé ti 1é ngusi xem mua san pham dat trén 30

A. 202. B. 203. C. 206. D. 207.
Lo gisi.
Theo bai ra ta 6 — > 0.3 1 + 49¢0:015n 10 o0 o T
1 + 49¢~0,015n ’ 3 147
& —0,015n < IHE77 Sn > —07315 ln% ~ 202, 97.
Vay c¢6 it nhat 203 lan quing céo.
Chon dap an (B) O]
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Cau 42.1. S6 lugng clia mot loai vi khuan X trong phong thi nghiem dugce tinh theo cong thiic
z(t) = 2(0) - 2¢, trong d6 x(0) 1a s6 lugng vi khuan X ban dau, z(t) 1a s6 lugng vi khuan X sau
¢ (phiit). Biét sau 2 phit thi s6 lugng vi khuan X 1a 625 nghin con. Hoi sau bao lau, ké tit ltc
bt dau, s6 lugng vi khuan X 1a 10 triéu con.

A. 7 phut. B. 5 phat. C. 8 phit. D. 6 phuat.
Loi giai.
Ta c6 x(2) = 2(0) - 22 = 625 - 103. Mat khéac x(t) = (0) - 28 = 10 - 10% = 2072 = #?7103 &t =6.
Chon dap an @ O

Cau 42.2. Dan s6 thé giéi dugde tinh theo cong thitc S = A - e™ trong dé A 1a dan s6 clia nam
lay 1am moc tinh, S 13 dan s6 sau n nam, i 1a ti lé ting dan s6 hang nam. Cho biét nam 2005
Viet Nam c6 khoang 80.902.400 nguoi va ti lé tang dan s6 1a 1,47% mot nam. Nhu vay, néu ti
I¢ tang dan s6 hang nam khong doi thi dén nam 2019 s6 dan ctia Viét Nam sé gan véi sé nao
nhat sau day?

A 99.389.200. B. 99.386.600. C. 100.861.100. D. 99.251.200.
Loi giai.
Ap dung cong thitc S = A-e™ v6i A = 80.902.400, n = 2019 — 2005 = 14, i = 1,47% = 0, 0147, ta
c6 s6 dan Viet Nam dén nam 2017 1a
S = A-e™ = 80902400 - e**0:0147 ~ 99389203,38.
Nhu vay, s6 dan Viet Nam dén nam 2019 gan véi s6 99.389.200 nhat.
Chon dép an (A) O

Cau 42.3. Cuong do mot tran dong dat M duge cho bdi cong thiic M = log A — log Ag, véi A
14 bien do rung chan t6i da va Ay la mot bien do chuan (hing s6). Dau thé ky 20, mot tran
dong dat ¢ San Francisco c6 cuong do 8,3 do Richter. Trong cuing nam do6, tran dong dat khac
& gan d6 do dude 7,1 do Richter. Hoi tran dong dat & San Francisco c¢6 bién do gap bao nhieu
lan tran dong dat nay?
A 117, B. 2.2. C. 158. D. 4.

Loi giai.

Goi My, Ay lan lugt 1a cuong do, bien do rung chan tdi da ctia tran dong dat tai San Francisco.

Goi My, Ay lan luot 1a cuong do, bien do rung chan téi da ctia tran dong dat tai dia diém con

lai.
Ta co
A1 A M
M; =log Ay —log Ag = log — = — = 10™".
1 = log A — log Ag OngéAo 0
A A
MgzlogAz—longzlog—z:>—2:10M2.
Ao Ao
Lo Al 100 MM 1,2
KhldoA—2:10M2:10 1742 =109 ~ 15,8.
Chon dap an (C) O]

Cau 42.4. Goi N(t) 1a s6 phan tram cacbon 14 con lai trong mot bo phan clia mot cay sinh
trudng tir ¢ nam trude day thi ta cé cong thic N(¢) = 100.(0.5) (%) v6i A 1a hiing sb. Biét ring
mot mau gd c6 tudi khoang 3754 nam thi lugng cacbon 14 con lai 1a 65%. Phan tich mau gd ti
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mot cong trinh kién tric ¢d, ngusi ta thay lugng cacbon 14 con lai trong mau go 1a 63%. Hay
xac dinh tudi ctia mau gd dudc lay tit cong trinh do.

A. 3874. B. 3833. C. 3834. D. 3843.
Lai gidi.
.. , 3754 3754 3754 3754
Theo bai ta c¢6 65 =100.(0.5)"4 < 0.65 = (0.5)" 4 < = logy50.65 < A = Toge - 0.5
Do mau go con 63% lugng Cacbon 14 nén ta co:
+ N t 3754
3833.
Chon dap an O

Cau 42.5. Cac nha khoa hoc da tinh toan khi nhiét do trung binh ctia trai dat ting them 2°C
thi myc nude bién sé dang lén 0,03m. Néu nhiét do tang len 5°C thi nude bién sé dang len 0, 1m
va ngudi ta dua ra cong thic tong quat nhu sau: Néu nhiét do trung binh ctia trai dat ting len
t°C' thi nu6c bién dang lén f(t) = kaf(m) trong d6 k,a la cic hing s6 duong. Hoéi khi nhiét do
trung binh clia trai dat tang thém bao nhiéu do C thi muc nuée bién dang len 0,2m?

A.92°C. B. 8,6°C. C. 7,6°C. D. 6,7°C.
Loi giai.
0,03 = ka? o2 ) 2
) = Ra = a t O 2&
EI T R R 4 () 207
= t)=kat t=1 — = — =~ 06,7.
{O’ 1 _ k‘a5 0’ 03 ) f( ) a Oga k 0} a 0’ 03 9
k= 5
a
Chon dap an @ O

Cau 42.6. Véi mic tiéu thu thitc an clia trang trai A khong doi nhu du dinh thi luong thitc an
du trit sé di dung cho 100 ngay. Nhung thuc té, mtc tieu thu thic &n ting them 4% mdi ngay
(ngay sau tang 4% so v6i ngay trude dé). Hoi thuc té lugng thide &n dy trit d6 chi di dung cho
bao nhiéu ngay?
A 40. B. 41. C. 42. D. 43.

Loi giai.

Goi lugng thitc an tiéu thu theo dy dinh hang ngay la x. Lugng thic an dy trit clia trang trai
A 1a 100z.

1,04 —1
Ta co x (1+1,04+ 1,042 + ..+ 1,04"71) = 100z & m =100 = n = log g4 5 ~ 41,035.
Do do6 lugng thitc an du trt chi du dung cho 41 ngay.
Chon dap an O

Cau 42.7. Trotng vat li, su phan ra ctia cac chat phéng xa ducc biéu dién béi cong thic
m(t) = mg (%) " Trong d6, mg 1a khdi lugng chat phong xa ban dau (tai thoi diém ¢ = 0), mi(t)
1a khéi luong chat phong xa tai thoi diém ¢, T 1a chu ki ban ra. Biét chu ki ban ra ctia mot chat
phong xa 1a 24 gid. Ban dau c6 250 gam, hdi sau 36 gio thi chat d6 con lai bao nhieu gam? (Két
qué lam tron dén hang phan chuc).

A. 87,38 gam. B. 88,38 gam. C. 88,4 gam. D. 87,4 gam.
Loi giai.

36
LS z 1 24 A 2 ~ N N FS N X
Sau 36 gio ta c¢6: m(36) = 250 (5) = 88,4. (Két qué da lam tron dén hang phan chuc).
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Chon dap an (C) O

CAU 43. Cho ham sb ¢6 bang bién thién nhu sau:

r |—o00 2 +00
f'(z) + +
+00 1
f(x) 1 ////////////’ N ////////////’

Trong cac s6 a, b va ¢ c6 bao nhiéu s6 duong?

A. 2. B. 3. C. 1 D. 0.
Loi giai.
. P ar+1 , . | o ~ ., . c . . . ~ a
Ham so f(z) = T c6 dudng tiém can ding la z = —3 Ve duong tiém can ngang y = 7
C
)
Tu bang bién thién ta co: < |, _b ' Sa=b= —g (1)
b b
Mat khac f/(z) = (bacT_)z' Vi ham s6 da cho dong bién trén cac khodng (—oo;2) va (2;400)
X C
nénf’(x)zac—_b>0(:)ac—b>0 (2)
(bx + ¢)?
2
TMyﬂ)%o@Lmdmm—%+§>0@—8+C>O@O<C<L
Suy ra ¢ 1a s6 duong va a,b 1a s6 am.
Chon dap an @ O

Cau 43.1. Cho ham s6 y = f(z) xac dinh, lién tuc trén R va c¢6 bang bién thién nhu sau

x —00 -1 3 400
/ + 0 - 0+
) +00
—00 1
D6 thi ham s6 y = |f(x)| 6 bao nhiéu diém cic tri?
A. 2. B. 3. C. 4. D. 5.
Loi giai.

S6 diém cyc tri ctia do thi ham s6 y = |f(z)| bang s6 diém cyc tri ctia do thi ham s6 y = f(z)
cong véi s6 giao diem ctia do thi ham s6 y = f(z) v6i truc hoanh (khéng tinh diém cyc tri).

Vi do thi ham s6 y = f(z) c6 2 diém cuc tri v cit truc Oz tai 1 diém trén do thi ham s6
y = |f(x)] c6 2+ 1 =3 diém cyc tri.

Chon dap an O]

Cau 43.2.
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Cho ham s6 y = f(z). Ham s6 y = f'(z)
c6 bang bién thién nhu sau. Bat phuong

trinh f(z) > sinz+m c6 nghiém trén khoang y' — 0 + 0 —

(=1:1) khi va chi khi
A.m> f(1) —sin 1.
B. m> f(1) —sin1. ! \ / \
C.m<f(
D.m< f(

Loi giai.

Xét ham s6 g(z) = f(x) —sinz.

g (x) = f'(x) — cosx.

V6i Vo € (—1;1), ta c6 f'(z) < =1 = f'(x) —cosz < —1 —cosz < 0= ¢'(z) <O0.

Suy ra ham s6 g(z) nghich bién trén khodng (—1;1) nén g(x) < g(—1) = f(—1) +sin 1.

Do d6 bat phuong trinh f(z) > sin z+m c6 nghiém trén khoang (—1; 1) khi va chi khi bat phuong

—1) +sin1.
—1) +sin 1.

trinh m < f(z) — sinz c6 nghiém trén khoang (—1;1).
& m < max g(x) & m < f(—1) +sinl.
~1;1

)

Vay m < f(—1) +sinl.
Chon dap an @ O

Cau 43.3. Cho ham s6 y = f(=) lién tuc trén R va c6 bang bién thiéen nhu hinh vé. Tim tat ca
. 1
cac gia tri thuc cia m de phuong trinh 5 f(z) —m =0 c6 ding hai nghiém phan biét.

T —00 —1 0 1 +00
— 0 + 0 —
0

) 00/0\3/ \m

m =0 3 m =10
A. 3 B. m < -3. C.m<—-. D.
m< —=. 2 m < —3.
2
Loi giai.
1
Ta co éf(x)—m:0<:>f(x):2m. (*)
Quan sat bang bién thieén ctia ham s6 y = f(z), ta thay, dé phuong trinh (x) c6 ding hai nghiem
_ 2m =0 m =0
phéan biét thi &
Chon dap an @ O

Cau 43.4. Cho ham s6 y = f(r) lién tuc trén R va c¢6 bang bién thién nhu hinh vé. Tim tat ca
. . P 2 N 1 P P . . ~ N
cac gia tri thuc ctia m dé phuong trinh 5 f(z) —m =0 c6 ding hai nghiém phan biét.
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m=20

3 m =0
A. 3 B. m < -3. C.m<—-. D.
m < 5 2 m < —3.
Loi giai.
Ta co %f(m)—sz@f(m)sz. (*)
Quan sat bang bién thieén ctia ham s6 y = f(z), ta thay, dé phuong trinh (x) c6 ding hai nghiem
_ 2m =0 m =0
phan biét thi &
Chon dap an @ O
Cau 43.5. Cho ham s6 y = f (x) ¢6 bang bién thién nhu sau:
T | —00 —1 3 +00
Yy’ + 0 - 0 +
5 +00
—00 1
Phuong trinh f (z) — 2 =0 ¢6 bao nhiéu nghiém?
A 1. B. 3. C. 2. D.o.

Loi giai.

Phuong trinh f(z) —2=0« f(x) =2.

S6 giao diém ciia do thi ham s6 y = f (z) va y = 2 1a s6 nghiém ctia phuong trinh f (z)—2 =0 (%)
Duta vao bang bién thién suy ra phuong trinh () c¢6 3 nghiém.

Chon dap an O]
Cau 43.6. Cho ham s y = f(=) lién tuc trén R va c6 bang bién thien nhu hinh ben duéi. Tim
tat ca cac gia tri thyc ctia m dé phuong trinh % f(z) —m =0 c¢6 ding hai nghiém phan biét.

T —00 —1 0 1 +o0
f’(x) + 0 — 0 + 0 —
0 0
—00 -3 —00
g 3
A.m:0h0a0m<—§. B. m < -3.
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C.m<—g. D. m =0 hoac m < —3.

Li giai.

Ta co %f(:c) =m <& f(z) =2m.

S6 nghiém clia phuong trinh 13 s6 giao diém clia do thi ham sé y = f(z) va dudng thang y = 2m.
Theo yéu cau bai toan ta cé

3
2m:0hoac2m<—3©m:0hoacm<—§.

Chon dap an @ O

Cau 43.7.

Cho ham s6 y = f(r) c6 dao ham f'(x), biét rdng do thi ctia ham (0

s6 f'(z) nhu hinh vé. Biét f(a) > 0, hoi do thi ham s6 y = f(z) cat

truc hoanh tai nhiéu nhit bao nhiéu diém? a /\
A. 4. A
B. 2.
C. 3.
D. 1.

Li giai.
Duia vao do thi cia ham s6 f/(x), ta c6 bang bién thién cia ham s6 y = f(x) nhu sau:

x —00 a b C —+00

f(x) — 0 + — 0 +
f(0)
f(z) \ / \ /
f(a) f(c)

Vi f(a) > 0 nén ta xét cac truong hop sau:

e Néu f(c) > 0 thi toan bo do thi ham s6 ndm & phia trén truc hoanh, do d6 do thi ham sb

khong cat truc hoanh.
e Néu f(c) =0 thi d6 thi ham s6 v& truc hoanh c6 mot diém chung duy nhét.
e Néu f(c) < 0 thi do thi ham s6 va truc hoanh c6 hai diém chung.

Vay do6 thi ham s6 y = f(z) cat truc hoanh nhiéu nhat tai hai diém.
Chon dép an O
Cau 43.8. Cho ham s6 y = f(z) ¢6 bang bién thién nhu sau

T | —00 —2 2 +00
Y + 0 - 0 +
3 +00
—00 0
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S e s £ 1 p . N . _ .
Do thi ham s06 ———— ¢6 bao nhiéu duong tiém can ding?

fB—z)-2
A. 2. B. 3. C. 1. D. 0.
Loi giai.
2 N 2 1 N 2
So6 duong tiém can ding cia do thi ham so y = W bang v6i so nghiém phan biét cia
— ) —

phuong trinh f(3 —x) = 2.
Dua trén bang bién thién ctia ham s6 ta thay phuong trinh f(z) = 2 ¢6 3 nghiém phan biét nén
phuong trinh f(3 — z) = 2 cling c6 3 nghiém phéan biét.

1
— 13 ong.
B0 2 a 3 dudng

Chon dap an O]

Vay s6 dudng tiém can ding ctia do thi ham s6 y =

Cau 43.9. Cho ham s6 y = f(z) lién tuc trén R va c6 bang bién thién nhu hinh sau:

Hoi ham s6 y = f(|x|) c6 bao nhiéu cuc tri? | —oo 1 3 +o00
A.. 2. B. 5. y/ + 0 _ O +
C. 3. D. 4.

) +00
Y Oo/ \1/

Loi giai.

Ta c¢6 do thi ham s6 y = f(|z|) c6 dugc tit do thi ham s6 y = f(z) bing cach giit nguyén phan
bén phai ctia truc Oy sau d6 1ay ddi xiing phan git nguyén doé qua truc Oy.

Tu day ta c6 bang bién thién ctia ham s6 y = f(]z|) nhu sau:

T |—oo -3 0 3 +00
Y - 0 + 0 — 0 +

ym\l/%\l/ﬁo

T bang bién thién suy ra ham sé y = f(|z|) c¢6 2 cyc tri.
Chon dap an @ O

CAU 44. Cho hinh tru c¢6 chidu cao bing 6a. Biét ring khi c&t hinh tru da cho bdi mot mit
phéng song song véi truc v cach truc mot khoang bang 3a , thiét dien thu duge 1a mot hinh
vuong. Thé tich ctia khéi tru dude giéi han béi hinh tru da cho bing

A. 2167a’. B. 1507a®. C. 54ra3. D. 1087a?>.

L&i giai.
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A\5\;/'/B
QL |
KT T
‘ s T
Di___________:_"::::: _________ C

Lay 2 diém M, N lan lugt nam trén dudng tron tam O sao cho MN = 6a.

T M, N lan lugt ké cac dudng thang song song véi truc O0’, cit duong tron tam O’ tai P, Q.
Thiét dién ta thu duge 1a hinh vuong M N PQ c6 canh bang 6a.

Goi H la trung diém ctia PQ, suy ra OH L PQ.

Vi OO0’ || (MNPQ) nén ta c6 d(OO',(MNPQ)) =d(0O',(MNPQ)) =O'H.

Tu gia thiét, ta c6 O'H = 3a. Do d6 tam giac O'HP 1a tam gidc vuong can tai H.

Suy ra ban kinh dudng tron diy ctia hinh tru la O’'P = vVO'P2 + HP? = 3a/2.

Vay thé tich ctia khéi tru can tim 1a V = 6a.7w (3a\/§)2 = 1087a>.

Chon dap an @ O

Cau 44.1. Cho hinh tru c6 ban kinh déy bing av/2. Cit hinh tru béi mot mit phang, song
song v6i tru ciia hinh tru va cach truc ciia hinh tru mot khoang biang g ta dugc thiét dien la

mot hinh vuong. Tinh thé tich V ctia khéi tru da cho.

9 3
A.V =ra’V/3. B. V= 7Ta3\/7. C. V =2ra3V/7. D. V = wa’.

Loi giai.
Goi O, O’ 1an luot 1a tam cac day va thiét dien 1a hinh vuong ABCD.

. . OH 1 AB
Goi H la trung diem AB, ta c6 suy ra OH 1 (ABB'A’).

OH 1 AA

Do d6 d (00", (ABCD)) = OH = g

2
Tam gidc OAH vuong tai H nén AH = VOA? — OH? = \/2a? — az = %?.

Suy ra AB = AA' = 00" = 2AH = a\/7 (do ABCD la hinh vuong).
Vay thé tich V = nR?h = 7 - (a\/§)2 caT = 2maP V7.

Chon dap an @ O

Cau 44.2. Cho hinh try c6 thiét dién qua truc la hinh vuéng canh 2a. Mit phang (P) song
song vdi truc va cach truc mot khoang %. Tinh dién tich thiét dién ctia hinh tru cat bdi mat

phéng (P).
A. 2¢/342. B. 2. C. md?. D. V342
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Lo gisi.
Goi ABB' A’ 13 thiét dien qua truc ctia hinh tru. T gid thiét 0

ta suy ra dudng cao hinh tru 1la A4’ = 2a, ban kinh dudng m/
tron day hinh tru la R = 4B =a.

2
Mat phang (P) song song véi truc nén cit hinh tru theo

thiét dien 1a hinh chi nhat ¢c6 mot canh MQ = AA’ = 2a, va |
cach truc mot khoang g nén O'H = % véi H 1a trung diem i

2
ctia PQ. Khi d6 PQ = 2,/0'Q% — O'H? = 21/ a2 — “Z — av/3.

Do d6 dién tich thiét dién can tim 1a MQ - PQ = 2v/3a?.

Chon dap an @ O

Cau 44.3. Cho hinh tru c6 ban kinh day bing a. Cat hinh tru béi mot mit phing (P) song
song véi truc ctia hinh tru va cach hinh tru mot khodng bang g ta duge thiét dien 1a mot hinh
vuong. Tinh thé tich khéi tru.

ma3\/3

A. 3nad. B. 7a®V/3. C. T D. wa3.

Loi giai.

Gia stt ABCD la thiét dién hinh vuoéng nhu hinh ben.
Goi O va O 1a tam 2 day cua hinh try,

H 1a hinh chiéu ctia O lén AB.

5 :
Ta ¢6 AB = 2AH = 2J/OA? — OHZ = 24/ a? — (g) — aV/3. B

S
TN

Vi ABCD la hinh vuong nén chiéu cao ctia hinh tru bang av/3.
Vay Vipy = ma'aV/3 = ma/3. P D

U W,
7

Chon dap an O]

Cau 44.4. Mot hinh tru c6 ban kinh day bing a, mat phang qua truc cit hinh tru theo mot
thiét dién c6 dién tich bang 8a?. Tinh dién tich xung quanh ctia hinh try.

A. 47a?. B. 8ma?. C. 16ma?. D. 27a?.
Loi giai.

e
S

Q¥ -------\c-- )

- -

A}
k4

A
2

O S S

S/
&

A
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Thiét dien qua truc ctia hinh tru 1a hinh chit nhat, c6 do dai mot canh 1 2a, c6 dién tich 1a 8a?,
2

o X ? N N 8
suy ra chieu cao ctia hinh tru la h = 2i = 4a.
a
Vay dién tich xung quanh cta hinh tru la: Sy =2rrh=2-7-a-4a = 8ra’.
Chon dap an ]

Cau 44.5. Cho hinh tru c6 ban kinh day biang R va chiéu cao bang ? Mit phing (o) song

. 2 N N , ~ ? > R o~ z < L PN 2 N
song véi truc cua hinh tru va cach truc mét khoang bang 5 Dién tich thiet dién cta hinh tru

cit béi mat phang (o) la

2 2 2 2
A 233\/3. B. 3R2*/§. C. 3R2\/§. D. 233\/2

L&i giai.

Gia st mit phang (a) cat hinh tru theo giao tuyén 1 hinh chit nhat
ABB'A’ (xem hinh vé). Goi O la tam ctia hinh tron day chia day
cung AB, H la trung diém ctia AB. Theo gia thiét ta c6 OH = g
3R*V/3

Suy ra AB = R+/3. Vay dién tich thiét dien 12 S = AB-AA' = 5

Chon dap an O]

Cau 44.6. Cat khoi tru béi mot mit phang qua truc ta duge thiét dien 1a hinh chit nhat ABCD
c6 AB va CD thudc hai day ctia hinh tru, AB = 4a, AC = 5a. Thé tich V ctia khoi tru 1a

A.V = 16ma>. B. V =4rd?. C. V =12ra’. D. V = 8rd?.
LJi giai.
Ta c6 BC = VAC? — AB? = v/25a? — 16a® = 3a. A, ~da B

AB s
Ban kinh day r = - = 2a, chiéu cao BC' = 3a. S
Vay V = har? = 3a - 4a® = 127a>.

Chon dap an (C) O

Cau 44.7. Cho hinh tru c6 thiét dien di qua truc 1la mot hinh vuéng c6 canh bang 4a. Dién
tich xung quanh S ctia hinh tru la
A. S =4na?. B. S = 8na®. C. S = 24ma’. D. S = 16ma’.
Loi giai.
Phuong phap: Cong thiic tinh dién tich xung quanh hinh tru c6 ban kinh day R, chiéu cao h la

Srpq = 2T Rh.

Cach giai:
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Hinh tru c6 thiét dien di qua truc 1a hinh vuong ABCD c6 canh bang 4a.

Do d6 h = 2R = 4a = R = 2a v6i R, h lan luct 14 ban kinh day va chiéu cao ctia hinh tru.

Vay S = 2rRh = 167a®

Chon dap an @ O

Cau 44.8. Khi cat khéi tru (7') bdi mot mit phéng song song véi truc va cach truc ciia tru (T)
mot khoang bing av/3 ta duge thiét dién 1a hinh vuong cé dien tich bing 4a%. Tinh thé tich V
ctia khéi tru (7).

A.V =7VTra?. B V= %7%@3. C. V= gwa?’. D. V = 8ra’.

Loi giai.

Vi thiét dién 1a hinh vuong c¢6 S = 4a?

= h=AD =CD = 2a.

Goi H la trung diém ctia CD.

Do ACOD can tai O nén OH1CD = OHL(ABCD,).
Theo gia thiét d(OO', (ABCD)) = OH = a\/3.

2
D ,
Suy rar = 0D = vVDH? + OH? = \/<%> +OH? = 2a. DA

@)
Vay V = 7.r?.h = 8ma’. kf{;‘;)/

Chon dap an @ O

Cau 44.9. Mot hinh tru c¢6 ban kinh = 5 cm va khodng cach gitta hai ddy h = 7 cm. Cat khoi
tru béi mat phang song song véi truc va cach truc 3 cm. Dién tich thiét dien tao thanh I3

A. 56 cm?. B. 55 cm?. C. 53 cm?. D. 46 cm?.
Loi giai.
Gié st hinh tru (T) ¢6 truc OO’. Thiét dién song song véi truc 1a hinh chit Q
nhat MNPQ (N, P thuoc dusng tron tam O va M, Q thudc dusng tron tam 04 ‘ |
o). NG

Goi H 1a trung diém MQ. Khi d6, O'H L MQ = O'H L (MNPQ).
Do dé, d (00',(MNPQ)) =d(0',(MNPQ)) = O'H = 3 cm. |
Tacé6 MH =+O'M2—0O'H?2=4cm = MQ =2MH =8 cm.
Dién tich thiét dien 1a S = MQ - MN = 56 cm?. O&~

Chon dap an @ O
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Cau 44.10.

Cho khéi tru T c¢6 truc OO, ban kinh r va thé tich V. Cat khéi tru T /\
thanh hai phan bdi mit phang (P) song song véi truc va cach truc mot

+ O
khodng bang g (nhu hinh vé&). Goi 17 1a thé tich phan khong chita truc §:>/
OO'. Tinh ti s6 % |

AEZE_E BE:E_E o i , \\\
V3 4n V13 ... t0
V 2w V 4m
Loi giai.

Goi h 1a chiéu cao ctia khéi tru (7). Thé tich khéi tru da cho 1a V = h - 7.

Goi A va B la giao diém ctia miit phing (P) v6i dudng tron day tam O’ va M la trung diém ctia
2 —

AB. Ta c6 O'M = g = AB = 2AM = 2\/r? — % = V3= AO'B = 120°.

Dién tich day phan khéi tru khong chita truc 1

1 1 2 23
SlZSq_SAAO/B:§'7T7“2—§-7“~T\/§=ﬂ-; r;/_.

7T7"2 T2\/§>
:m_h'<7_ i )
Su raﬁ—l—ﬁ
YRV T T
Chondépén@ O]

Cau 44.11. Cho khéi tru c¢6 ban kinh day bang r va chiéu cao h. Cat khoi tru bang mot mat
Z . N 2 ~ 2 > 2 - 2 . AL
phang (P) song song véi truc va cach truc mot khoang bang %_ Mat phang (P) chia khoi tru
lam hai phan. Goi V4 1a phan chiia tam ctia duong tron day va Vs 1a phan khong chiia tam clia

2 FS 2 V
duong tron day. Tinh ti so cua 71
2

Vi 3m—2 i i T —2 Vi 3m+ 2

L= = ) B. =—=3 2. —— ) D —= )

V,  37-2 7, =3t V2 V, 3712 V,  7_2
Loi giai.
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Thé tich hinh tru V = 7r2h.
Khi cit khéi tru bang mat phang (P) song song vdi truc tao
thanh hai khoi c6 thé tich V4, V5 thi ty s6 theé tich % bang ty so
dién tich ctia vien phan chita diém O va vién phan khong chita
diém O ciia dudng tron day.
Goi I la trung diém ctia AB khi d6 AB = 212 —0OI? =

2\/r2 - (%)2 = /2.

Suy ra AAOI vudng can tai I, suy ra AOB = 90°.

2
Dién tich quat tron AOB la S; = %

. . 1 2 2
Dién tich tam giac Spap = =OI - AB = % /2 = %

1
2

) (m’Q r2)
mr? — | — — —
% 4 2 _3m+2

Vs 2 r T —2

Chon dap an @ O

Cau 44.12. Cho khéi tru cé chiéu cao 20. Cat khéi tru bdi mot mat phang duge thiét dien
14 hinh elip c¢6 do dai truc 16n bang 10. Thiét dién chia khoéi tru ban dau thanh hai ntta, nita
trén c6 theé tich V4, ntta dudi co thé tich V5. Khoang cach tit mot diem thuoc thiét dien gan day

dusi nhat va diém thuoc thiét dien xa day dudi nhat t6i day dudi 1an luot 1a 8 va 14. Tinh ti s6
%1

72. 11 9 9 6
A —. B. —. C. —. D. —.
20 11 20 11
Loi giai.
. T DN 2 . o1+ ha
Ta ¢6 cong thiic the tich hinh phién tru la V =7R*——= do
do 6+ 12 8+ 14
V1:7TR2+T =1R2.9; V2:7rR2+T:7rR2-11 fem
Vi 9 B
= 72 o 11° 12cm
l4cm
A
8cm
Chon dap an O]

Cau 44.13. Mot hinh tru c6 chiéu cao bang 9a. Cat khéi tru bdi mot mit phang song song véi
truc va cach truc mot doan d = 3a ta dudc thiét dien c6 dién tich 1a S = 72¢2. Thé tich khéi tru

bang

707a®
A. 225143, B. ga . C. 3507ma3. D. 45743,

L&i giai.
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Goi M, N, P,Q la giao diém ctia mit phang véi hai dudng tron tam (O)
va (O').

Khi d6 M N PQ la hinh chit nhat v6i MQ = 9a. Goi I la trung diém ciia
MN, ta c6 OI = 3a.

Theo gia thiét Sy npg = 72a%, suy ra 72a*> = MQ - MN = MN = 8a =
IM = 4a.

Xét tam giac vuong MOI, ta co6

MO = VOI? + IM? = v/9a? + 16a% = 5a.

Vay hinh tru c6 ban kinh diy R = 5a, chiéu cao h = 9a. Tt d6 suy ra
thé tich hinh tru la V = 7R2 - h = 2257a3.

Chon dap an @ O]

CAU 45. Cho ham s6 f(z) ¢6 f(0) =0 va Khi d6 /f(x)dx bang

0

1042 2 242 14
i) B. 2% c. 22 D. 2,

225 225 225 225
Lai giéi

Ta c6 f(x /f dx—/cosxcos 2xdx—/cosx(1—sma:)2dx.

Dat ¢t = sinx = dt = cos zdx.
=>f(:1:):/(1—2t2)2dt:/(1—4t2+4t4)dt:t—§t3+§t5+C’:sinx—%sin3m+%sin5x—l—0.
Ma f(0)=0= C =0.

Do do6 f(z) :sin:L’—gsin3x+§sin5x:sinx(1—§sin2a:+§sin4x) =

=sinx [1 — % (1 — cos? SL‘) + % (1 — cos? SU)2:|

4
Ta Cé/f(x /smx 1—— 1—0052m)—|—5<1—0082x)2] dz.
0

bat t = cosx = dt = —sin zdx.
Doican: e =0=t=1lz=nr=t=—1
0 1
1
7 4 4 7 4 4 242
Khi dé dz = (———2 —t4)dt:(—t——t3 —t5) =,
' O/f(x)x /15 5 3 5 75 )|, T s
0 ~1
Chondépén@ 0

5
Cau 45.1. Cho ham 86 y = f(z) lién tuc trén R thdéa man /f(x)dx =3 va /f(x)dx = 6. Tinh
0

1
tich phan I = /f(|3x —2|)dz

-1
A.T=3. B. I =-2. C. I=4. D.I1=09.
Lai giai.
1

Ta Cé/f(|3x—2\)dx:/f(—3$+2)dx+/f(3x—2)d:c:[1+IQ.

2

3
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L = /f -3z +2)d :——/f =3z + 2)d(—3x + 2).

2
Datt:—3x—|—2suyrax:—1:>t:5;x:§:>x:0. Do d6 I; =

I = /f (3z — 2)d /1f(3x—2)d(3x—2).

3

2
Datt:3x—2suyra:1::1:>t:1;x:§:>x:0. Do do I, =

Vay[:[l—{—lgzg.
Chon dap an @
3

Cau 45.2. Cho ham s6 f(r) thod man / [Zx In(x 4+ 1)+ xf'(x)} dr =0va f(3) =

0
véi a,b 13 cac s6 thiye duong. Gia tri clia a + b bang

A. 35. B. 29. C. 11.

Loi giai.

3
Tinh I = /Qx In(x 4+ 1) dz.
0

dv =2xdx v = 2

1
uw=In(x+1 du = dz
Dat{ ( ):» z+1 | Khidé

2

Ma [21 In(x 4+ 1)+ xf/(x)} dz =0

3 3
:]+J—O$161n2——+3 /f /f(x)dx:161n2+—=
0 0

b= 32
Chon dap an @

a=3
Suyra{ . Vay a+ b= 35.

Wl =

Wl =

dx:91n4— (%—x+ln|x+1|

5
0/ Pyt =

D.7.
3 3+32In2
5 .

1
0/ Pyt =

3
—16In2— 2.
ey

1. Biet

U
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2
Cau 45.3. Cho ham s6 f(z) lien tuc trén R va f(2) = 16, [ f(z)dz = 4. Tinh tich phan I =

0
jx - f'(2z) dz
' A. 13. B. 12. C. 20. D. 7.
Loi giai.
b b
Phuong phap: St dung cong thiic ting phan: /udv = uv\z - /vdu.
a

a

Cach giai:

2 1
, 1
f:o/x-f@x)dx - EO/wd(f(%))

2
= 1f(2)—1 f(:zc)dx—l 16—1 4=8-1=
2 4
Chon dap an @ O
Cau 45 4. Cho ham s6 y = f (z) ¢6 dao ham lién tuc trén doan [0;1] va théa man f (0) = 0.
1 1
Biét /f2 () dz = = va /f’ cos— dz = —. Tich phan /f ) dz bang.
0 0
b
JECE
ALY B. 2 c. . D. .
m e m T
Loi giai.

Phvong phap

1
e St dung phuong phép timg phan déi véi tich phan /f’ cos =% da: = ??TW
0
1
Ak . o T
o Xét +ksm7 dz =0, tim k, tu do6 suy ra f(x):—k:sm7
0
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1

1
o /f(x) dx:/—ksin%dx.
0

0

Cach giai
T T . 7T
U = COS — du = ——sin — dz

Dit 2 = 2 2
dv = f'(z) dx v=f(x)

1

#/f’(x)cos%wdx = coslmf(x)

0

Xét tich phan

1 1
2
/ +ksm7] dr =0 & /{f%x)%—?kf(x)sin?—l—k%irﬂ%] de =0
0 0
1 1 1
& /f2 dm+2k/f Sln—+k2/sin2%xda:20
0 0 0
9 3
Dyl iy
R
& k=-3
Khi dé6 ta co
; 2
/ —3Sln7x:| dx:O@f(x)—Ssin%z:Oﬁf(x):ZSsin%.
0
; : cos = 11
V?&y/f(x)dx:iS/sinﬂ—xdx:—B 7r2 :_—6(:05E _ .8 (cos——cosO) —
2 Z U 2, s T
0 0 2
Chon dap an (A) O

1
Cau 45.5. Cho ham sb f(z) c6 dao ham lien tuc trén [—1;1] va théa man f(1) = 7, /xf(x) dz =
0

1
1. Khi do /x2f'(:1:) dz bang
0

A. 6. B. 8. C. 5. D. 9.
L&i giai.
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1
XétI:/ 2f'(x)dz, dat u = 22, dv = f(z)dz = du=2zdz, v = f(x), ta dugc
0

Chon dap an (C) O
Cau 45.6. Cho ham s6 f(z) c¢6 dao ham cap hai lien tuc tréen R, théa man £(0) = f(2) = 0,

r%a;f\f” z)|=1va /f = ; Tinh /f(x) dx
A L B U c 3 p. 3T
12 24 12 24

Li giai.

S —

2
2z — ) dz > | [ f"(x)(2x — 2?)dz
[

3

2
/Zx—x
0

Mat khac f”(z) lién tuc trén [0;2] nén [

2
4
Ma /(2x — 2?)dx = —. T dé suy ra
0

2

/f”(x)(Zx — 2 dz

0

f"(z) = —1,Vx € [0;2]
') =1,Vz €[0;2]

L. f"(z) = =1 khi do f(z) = —%2 +Chz+Co. VI f(0) = f(2) =0 nén f(z) = —— + .
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3
Khi d6 | [ f(z)de| = =

2 2
2. f"(z)=1khi d6 f(z) = % 4 Chz+ Co. Vi £(0) = f(2) = 0 nén f(z) = % g
Khi do /f(a:)dx = %

Chon dap an O]
Cau 45.7. Cho ham s6 f(z) théa man f/(z) = (v + 1)e® va f(0) = 1. Tinh f(2).

A f(2) =4e® +1. B. f(2) = 2¢% + 1. C. f(2) = 3¢® + 1. D. f(2) =e® +1.
Loi giai.
Ta co

2 2 )
f(2)— f(0) = /f’($) dor = /(ZB +1)e* dz = ze® .= 2¢2.
0 0

Suy ra f(2) = 2e? + f(0) = 2e% + 1.
Chon dap an O

2
Cau 45.8. Cho ham s6 f(z) c6 dao ham lién tuc trén doan [0;2] va thda man f(0) = 2, /(Qx —
0

2
4)f'(z)dz = 4. Tinh I = /f(x) dz.
' B

A 1=-2 . I =—6. C.1=2 D.I=6.

Loi giai.
u=2r—4 du =2dzx
Dat =
{dvf'(m)dm {vf(m)

2
Khi do /(Qx —4)f(z)dr = (220 — 4) - f(x)
0

0

g 2 2
— [ 2f(z)de =4f(0) —2 [ f(x)dx =4.
/ /

2
Vay ]z/f(m)dxz?.
0

Chon dap an (C) O

Cau 45.9. Cho ham s6 f(z) c6 dao ham lien tuc trén doan [0;1] vA théa man f(0) = 6,
1

1
/(2:5 —2)f'(x) dz = 6. Tich phan /f(q:) dz c6 gia tri bang
0

0
A. -3 B. -9. C. 3. D. 6.

L&i giai.
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1
GQiI—/2x—2 dz.
0

u -2 du = 2dz
bat ta chon
{d e {vf(:v>
1
I =02z —-2)f(z)| — dx 6=27(0)—2 x)dz 3=3
( >f<>0 /f<> & 6=2f(0) /f<> :»/f )

Chon dap an (C) O

CAU 46. Cho ham s6 f(z) c¢6 bang bién thien nhu sau:

o OO/Q\O/Q\

S6 nghiem thuoc doan [0; 57T] ctia phuong trinh f(sinz) =1 la

2
A 7. B. 4. C. 5. D. 6.
Lai giai.
v . 5%
bat t =sinz, z € [O; 7] =te[-1;1].

Khi d6 phuong trinh f(sinz) =1 tr6é thanh f(t) = 1,Vt € [-1;1].

Day la phuong trinh hoanh do giao diém ctia ham s6 y = f(t) vi duong thing y = 1.
[t —a € (-1;0)

1=

Dua vao bang bién, ta c6 f(t) =
t=>be(0;1)

Truong hop 1 ¢t =a € (—1;0)
Ung v6i mbi gia tri t € (—1;0) thi phuong trinh sinz = ¢ ¢6 2 nghiém x1, z9 thoa

man T < r] < x9 < 2m.

Truong hop 2 t =b € (0;1)
Ung v6i mdi gid tri ¢ € (0;1) thi phuong trinh sinz = ¢ ¢6 3 nghiem w3, x4, =5
thdéa man 0 < z3 < x4 < 7; 27T<x5<77r.
Hién nhién ca 5 nghiém trong 2 truong hop trén déu khac nhau.
Vay phuong trinh da cho c6 5 nghiém thudc doan [O; 5;]

Chon dap an @ O

Cau 46.1. Cho ham s6 y = f(z) = az® + ba? + cx + d ¢6 bang bién thién nhu sau:
., 1
Khi dé |f(x)] = m c6 bon nghiém phan biét z; < z2 < 23 < 5 <4 khi va chi khi:
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A 0<m<1. r | —o0 0 1 +00
B.o<m<1. y + 0 _ 0 4+
1
C.§<m<1. 1 +00
1
D. 5 <m<l. y / \ /
Loi giai.
) PP y'(0) =0 c=0
Ta c6 v = 3ax? + 2bz + ¢, tit bang bién thién suy ra: & (1)
y(1)=0 |3a+2b=0
0)=1 d=1
Ta lai co u(0) & (2)
y(1)=0 a+b+c+d=0
(d=1 (d=1
c=0 c=0
Tu (1), (2) ta c6 hé phuong trinh: < & 9
3a+2b=0 a=2
la+btec+rd=0 (b=-3

=y =f(z) =223 322 +1
Do thi ham s6 |f(z)| = |22° — 327 + 1

1)

Ta co -
<. . oz . o 1
Duwa vao do thi suy ra phuong trinh |f(z)| = m c¢6 bon nghiém phan biét 21 < x9 < 23 < 5 < T4

)

khi va chi khi: % <m<1
Chon dap an (C) O]
Cau 46.2. Cho ham s6 y = f(z) c6 bang bién thién nhu sau

T —00 —1 3 +00
f(x) + 0 - 0 +
2018 +00
f(z) / \ /
— 0 —2018

D5 thi ham s6 y = |f(z — 2017) + 2018 ¢6 bao nhieu diém cye tri?

A. 2. B. 3. C. 5. D. 4.
Li giai.
Ta c6 bang bién thién ctia ham s6 y = f(z — 2017) 13

x —00 2016 2020 +00
f(x) + 0 — 0 +
2018 +00
f(z) / \ /
—00 —2018

Bang bién thién ctia ham s6 y = f(x — 2017) + 2018 1a
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x —00 2016 2020 +00
f(x) + 0 - 0 +
4036 +00
—00 O
Do dé do thi ham s6 y = | f(z — 2017) + 2018| ¢6 3 diém cyc tri.
Chon dap an O]
Cau 46.3. Cho ham s6 y = f(z) = ar® + bx? + cx + d ¢6 bang bién thién nhu sau:
Khi d6 |f(x)] = m c6 bon nghiém phan biét 1 < 25 < 23 < 3 < x4 khi va chi khi:
A 0<m<1. xr |—o00 0 1 +00
B.o<m<1. Yy + 0 - 0 +
1
C. 5 <m< 1. 1 +00
D%§m<L y ,/// \\\ ///
—00 0

L&i giai.

T Pe / 2 ~ o . Z . y/(o) == 0 C = 0
a c6 y' = 3ax® + 2bz + ¢, tit bang bién thién suy ra: =
y'(1)=0 3a+2b=0

C fyoy=1  fd=1
Ta lai c6 & (2)
y(1)=0 a+b+c+d=0

(d=1 (d=1
c=0 c=0
Tu (1), (2) ta c6 hé phuong trinh: & 9
3a+20=0 a=2
la+b+c+d=0 (b=-3

=y=f(z)=22%-322+1
Do thi ham s6 |f(z)| = |22° — 327 + 1

1)

2

Ta co

< . Lz . I 1
Dua vao do thi suy ra phuong trinh |f(z)| = m c6 bon nghiém phan biét 21 < z9 < 23 < = < 14

khi va chi khi: ! <m<1
2
Chon dap an @

Cau 46.4. Cho ham s6 y = f(z) lien tuc trén R v c6 bang bién thién nhu sau

T |—00 —1 3 +00
Y + 0 — 0 +
4 +00
—00 -2

Biét £(0) < 0, héi phuong trinh f(|z|) = f(0) c6 bao nhiéu nghiém?

2
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A. 4. B. 2. C. 3. D. 5.
Lo giai.
D&t £(0) = k < 0. Vi ham s6 nghich bién trén (—1;3) nén —2 < k < 4.
Ta c¢6 ham s6 y = f(]z|) 13 ham s6 chin nén do thi ddi xitng qua truc Oy, tit d6 ta c6 bang bién
thién sau
r |—o00 -3 0 3 +o0

' - 0 + - 0 +
: +00 k +00
Y \ » / \ » /

Tu bang bién thién suy ra phuong trinh f(|z|) = f(0) ¢6 3 nghiém.

Chon dap an @ O]
Cau 46.5. Cho ham s6 y = f(z) lién tuc trén R va c6 bang bién thien nhu sau
x —00 0 2 400
Y + 0 - 0 +
1 +00
. / \ /
—00 -3

Tim tat ca cic gia tri clia tham sd m sao cho phuong trinh |f(z —2018) +2| = m ¢6 boén nghiém
thuc phan biét.

A —3<m<1. B.o<m<1.
C. Khong c6 gia tri m. D.1<m<3.
Loi giai.

Dat g(z) = f(z —2018) + 2. Ta co

, , r— 2018 =0 r = 2018
g(x)=f(r—2018) =0« &
r—2018 =2 x = 2020.

9(2018) = £(0) +2 = 3; ¢(2020) = f(2) +2 = —1.

Bang bién thién ctia g(z) nhu sau

T —00 2018 2020 +00
J(z) + 0 — 0 +
3 +0o0
—00 -1

Dat h(z) = [g(z)]-
D6 thi ham s6 y = g(z) cit truc hoanh tai ba diém phan biét z; < 2018 < 29 < 2020 < 3.
Do d6, ta c6 bang bién thién
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x —00 1 2018 1 2020 3 +00

K (z) -0 + 0 - 0 + 0 — 0 +

oo 3 1 +00
W | N TN TN S
h(z1) h(z2) h(z3)

Duia vao bang bien thién, dé thay phuong trinh ¢6 bon nghiém phan biét khi va chi khi 1 < m < 3.
Chon dap an @ O

Cau 46.6. Cho ham s6 y = f(z) c6 bang bién thién nhu sau

T —00 -1 3 +00
' + 0 — 0 +
) +00
— 00 1

Do thi ctia ham 86 y = | f(|z — 1|) — n| +m?**® ¢6 bao nhieu diém cyc tri v6i m, n 1a tham s thue

va2<n<3?
A. 4. B. 7. C. 3. D. 5.

Li giai.

Tu bang bién thién suy ra hinh dang do thi ham s6 f(z).

Tinh tién do thi f(z) sang bén phai 1 don vi ta dugc do thi y
ham s6 f(z —1).
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T do thi ham s6 f(x — 1) suy ra do thi ham s6 f(|z — 1|). y

Tinh tién do thi ham s6 f(]z — 1|) xudng phia duéi n don vi y
suy ra do thi ham s6 f(|z — 1) —n v6i 2 < n < 3.

>

T do thi ham s6 f(Jz — 1|) — n suy ra do thi ham s6 y
|[f(lz = 1]) = n] M/

@)

NZ VA

Tinh tién do thi ham s6 |f(|Jz — 1|) — n| lén phia trén m?018 y
don vi ta duge do thi ham sb
y=|f(|z = 1]) = n| +m>®

O

8

Vay do thi ham s6 y = |f(|z — 1|) — n| + m**'® ¢6 7 diém cue tri.
Chon dap an O]
Cau 46.7. Cho ham s6 y = f(z) = az® + bz? + cx + d c6 bang bién thién nhu sau

T —00 0 1 +00
Y + 0 - 0 +
1 +o00
Dol L1z . o 1 C e 1oy
Khi d6 |f(x)] = m c6 bon nghiém phan biét :c1<x2<:c3<§<:c4 khi va chi khi
1 1
A.§<m<1. B.§§m<1. C.0<m<1. D.0<m<1.
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Li giai.

Ta c6 f'(z) = 3ax? + 2bx + c. Tt bang bién thién ctia ham s6 f(z), ta c6

(f(0)=1 (d=1 (0 =2
f(1)=0 a+b+c+d=0 b=-3
T e =
f1(0)=0 c=0 c=0
Lf(1)=0 |3a+2b+c=0 (d=1
1 1
Nhu vay f(z) = 223 — 322 + 1, f(§> =3
1
Y + 0 — 0 +
1 +00
y 1
2 /

Do d6 |f(x)| = m c6 bon nghiém phan biet 21 < z3 < 23 <

1 1
—<x4khivachikhi§§m<1.

2
Chon dap an (B) O]
Cau 46.8.
Cho ham s6 y = f(x) c¢6 bang bién thién r | —oo 0 A oo
nhu hinh bén. Phuong trinh f(4z — 2?) — Iz _ 0 T 0 _
2 = 0 c6 bao nhiéu nghiém thuc phan +00 3
biét? f \ / \
A.2. B.6 C. 4 D . =
0.
Lo giai.
Béng bién thién cla f():
r | —00 0 4 +00
f - 0 + 0 -
+00 3
f \ / \
-1 —00

Tu bang bién thién suy ra phuong trinh f(z) = 2 ¢6 ba nghiém thyc phan biét x1, x9, 23 v6i

1 <0< 29 <4< x3.

4x—x2:az1

Do d6 f(4r —2%) —2=0& f(4r — %) =2 |4z — 2% = 29

(1)

(2) VOl 21 <0< 29 < 4 < x3.

dr — 22 = 13 (3)

Xét ham s6 g(x) = 4r — 2%, C6 ¢'(v) = 4 — 2z,
Béng bién thién cta g():

g(x) =0z =2.
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T bang bién thién clia g(x) suy ra phuong trinh (1) ¢6 hai nghiém thyc phan biét, phuong trinh
(2) ¢6 hai nghiém thye phan biét (khong trung véi hai nghiém ctia (1) do x1 < z2) va phuong
trinh (3) vo nghiém. Vay phuong trinh da cho c6 4 nghiém thuc phan biét.

Chon dép an (C) O

CAU 47. Xét cac s6 thuc duong a,b, z,y théa man a > 1, b> 1 v a® = b = Vab. Gia tri nho
nhét ctia biéu thitic P = z + 2y thudc tap hop nao dudi day?

A. (1;2). B. |2 g) C. [3:4). D. [93).

Loi giai.
Dat t =log,b. Via,b>1neént > 0.
1
Ta c6 a® = Vab = x = log, Vab = 5 (1+log,b) =

(1+1).
1 1
bY = Vab =y =log, Va :§(l—|—logba) =3 <1+

3t 1

1 1
Vay P=a+ 2+ (1+0)+1+-=2+-+->
ay P=at2y+ 51+t + 1+ =045+ 25+V2

Pe 2 t 1
Dau dang thtc xay ra khi 3=3 9 b=av2

Qo&k|r—kl\3|b—‘

. . 2 A 2 - 2 - > 3 ~ 2 2 5
Gia tri nhé nhat cua biéu thitc P = z + 2y bang 3 + /2 thuoc nita khoang [5; 3).

Chon dap an @ L]

Cau 47.1. Cho a,b,c > 1. Biét rang biéu thiic P = log, (bc) + log,(ac) + 4log.(ab) dat gia tri nho
nhat bang m khi logy ¢ = n. Tinh gia tri m + n.
2
A.m+n=14. B.m+n= 25 C.m+n=12. D. m+n = 10.

Loi giai.
Phuong phap:

1
log, b = ——,(a,b > 0;a,b# 1).
Oga 1Ogba7 (a’7 > 70’7 # )
Ap dung BDT Co-si cho 2 s6 duong: a + b > 2v/ab.
Cach giai:
Do a,b,c > 1 nén log, b, log,. a,log, c > 0.

P =log,(bc) + logy(ac) 4+ 4log.(ab) = log, b + log, c + log, a + logy, ¢ + 4log,. a + 4 log, b
= (log, b + logb a) + (log, ¢+ 4log. a) + (log, c + 4log,. b)

4
=11 41 1
( og,, ) (logc + 4 log,. a) + ( ogy € + logbc)
1 1 4
> 24/log, b - +2 -4log.a + 24/log c - =2+4+4=10.
log, b log,. logy, c
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( 1

log, b= ——
Ogla log, b log, b =1
A « 9 2 NN ? : _ 1
Dau “ =7 xay ra khi va chi khi < bg.a 4log.a < log.a = 5
\ ogy ¢ oz b &b
Vay, dat gia tri nho nhat 1a 10 khi logyc =2 =m =10,n =2 = m +n = 12.
Chon dap an (C) O
Cau 47.2. Cho z,y > 0 théa méan log(z + 2y) = logz + logy. Khi dé, gia tri nhd nhét ctia bicu
2 2
x 4y
thic P = 13
=Ty i
32 31 29
A. 6. B. —. C. —. D. —.
) ) )

Loi giai.
Ta c6 log(z + 2y) = logzy < = + 2y = xy.
r+z

2
Dat 2y = 2, ta c6 z, 2z > 0 thdéa man 2(:c+z):xz§( ) = x+2z > 8. Lai ¢6

72 Pz (z + 2)? 4
= - > =r+2-2+—.
1+2z 142z 24242 24+ 2
Xét f(£) = t— 24 —— fi(t) = 1 S 0, ¥ > 8 nén min f(t) = £(8) = o2
=t- — =1-— min = = —.
2+t (t+2)2" 7~ t>8 5
. . rd S 2 \32 .
Vay gia tri nho nhat CuaPlaEkhlx:z:élhay (x;y) = (4;2).
Chon dap an (B) O]
~ N , £ ? ~ o, . ? £ 2 6(2~7J+y)
Cau 47.3. Cho z,y la cac so0 duong thoa man zy < 4y —1. Gia tri nho nhat cia P = —— +
X
In < 2y 1 a +Inb. Tinh ab.
)
A. ab = 45. B. ab=281. C. ab=115. D. ab = 108.
Loi giai.
) x4 1 1)
Tfrxy§4y—1chiaZVéchontadu’oc—g———2:4—<2——) < 4.
. y oy vy Y
bat —=tthi0 <t <4.
Yy
6 -6 1 t2 — 6t — 12
Khidé P=f(t) =12+ -+ In(t+2) ¢6 f'(t) = — =
1O P =) =12+ 3+t +2) 6 (1) = 7 + 75 = a9
Tacot? —6t—12< 0t € (3—+/21;3++/21) D (0;4]. Suy ra f'(t) <0, Vte (0;4].
27
Va, inf(t) = f(4) = — + In6.
.yr(g;lﬁf() f4) ==+
., . 2 Z P N 27 . ]_
Suyraglatmnhonhatcuanang?+ln6kh1y:§,x:2.
2
Khidéa:;;b:6:>ab:81.
Chondépén O]

Cau 47.4. Cho cac s6 thuc a,b théoa man dieu kien 0 < b < a < 1. Tim gia tri nhé nhat cta

. 4 -1
biéu thiic P = log, 48— 1) +8log? a — 1.

A A=6. B. 3v/2. C. s. D. 7.
Loi giai.
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A(30— 1)

Ta c6: (3b—2)* > 2 & < b%. Khi do:

P > logab2—|—810g2ga—1
= 210gab+810g2§a—1
= logab+logab+810g2ga—1
1 2
= (log,b—1 log,b—1 | — 1
(Oga )+<Oga )+8 (logab—1> +
1 2
> 34/ (log,b—1) - (1 b—1-~(—) 1=7.
— 3\/<Oga ) (Oga ) 8 1Ogab_]- + 7

. N 2 2
Dau bang xay ra khi a = i/;; b= 3 va min(P) = 7.
Chon dap an @ O

Z X . 1 . . ? L ?
Cau 47.5. Xét cac so thuc a, b thoa man dieu kién 3 < b < a < 1. Tim gia tri nho nhat cia

2 3b—1
biéu thitc P = log, (T) +121og? a — 3.

1

A. min P =13. B. minP:%. C. minP=09. D. min P = /2.
Loi giai.
Ta c¢6 (2b—1)%(b+1) > 0 = 3b— 1 < 46 va dieu kién bai toan suy ra log, b > 0.

_ 12 3log, b - (log, b — 3)?
T P >3l - 3= a 4 > 9.

it do suy ra P > 3log, b+ (log, b= 172 (log, b— 1)2 +9>9

1 1

Chon dap an (C) O

Cau 47.6. Cho hai s6 thuyc duong z, y thda man zy < 4y — 1. Gia tri nhé nhat ctia biéu thic

P = W +1In et 2y dugce biéu dién dudi dang a + Inb v6i a € Q, b nguyén duong. Tich ab
bang ’

A. 45. B. 81. C. 108. D. 115.
Loi giai.

Doz>0,y>0nenay<dy—loay+l<dy<dy®+1le0<= <4,
y

2 2
p Sty g ot y:12+69+ln(f+2>.
x y x y
. ) 6
Datt:E,V610<t§4tacoP:f(t):12+¥+ln(t+2).
y
6 1 t2 — 6t — 12 t=3-v21¢(0:;4 ( D
fit)=——=+ =—3 ) =0« £ ].Tacébéngblénthlén
2 t+2 t2(t+2) t=3421¢ (0;4]
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+00

f(@) \

2
77+1n6

2 2
Vay min P = min f(t) = f(4) = el +1n6. Suy ra a = ?7, b=6, ab=8l1.

(054] 2
Chon dap an O]
Cau 47.7. Cho cac s6 a,b > 1 théa man logya + loggb = 1. Tim gia tri 16n nhat cia P =
\/logs a4 /logy b.

A. \flog; 31 10g52.  B. \flogs2 + /logs3. C. % (logy 3 + logs 2).  D. 2 |
V/10g, 3 +logz 2

Loi giai.

Ta c6 P = \/logz a+/logy b = +/logz 24/logy a+ +/logy 3 /logs b. Ap dung béat ding thite Cauchy-

Schwarz ta c6 P? < (logz 2 + log, 3)(logy a + logs b) = logs 2 + logy 3. Suy ra P < y/logy 3 + logs 2.

Chon dap an (A) O

Cau 47.8. Cho hai s6 thuc a,b théa man cac diéu kien a® + b* > 1 va logge o(a +b) > 1. Gia
tri 16n nhat ctia biéu thic P = 2a + 4b — 3 1

A. V/10. B. 21/10. C.
Lai giai.
Do a? +b% > 1 nén

12 1\? 1
loga2+b2(a—|—b)21<:>a—|—b2a2+b2<:><a——> —i—(b——) §§.

Goi

Ta co
P=2a+4b—-3<2a+4b—-3—-P=0.

Dit Ap: 2244y —3 — P =0. Dé P dat gia tri 16n nhat thi Ap tiép xtc véi (C).
Ta c6

200+ dyo —3— P| 1
d(I, Ap) = — — o |- P|=10.
&) V&2 v

Vay P 16n nhat bang /10.
Chon dap an @ O
Cau 47.9. Cho ham s6 y = V22 +3—zInz. Goi M, m lan lugt 1a gia tri 16n nhat va gia tri nho
nhat ctia ham s6 trén doan [1;2]. Khi d6 tich Mm bing

A.2V7+4n2. B. 27+ 4In5. C. 2V7—4In5. D. 27— 4In2.
Loi giai.
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i X
Va2 +3 V2
Do d6, ham s6 y = V22 + 3 — zInx nghich bién tren [1;2].
Vay Mm =y(1)-y(2) =2 (V7 —-2In2) =2v7 - 4In2.

Ta c¢6 ¢ = —(lnz+1) < —(Inz+1) < —lnz <0, Ve e [l;2].

Chon dap an @ O

~ . A ? ~ x —I— y N
Cau 47.10. Cho h thuy th 1 =x(v— — .T

au Cho hai s6 thuce z, y Oa?angog‘/gx2+y2+xy+2 z(r—3)+y(y—3)+zy. Tim
gi4 tri 16n nhat clia biéu thic P = ey

r+y+6
A 43 4 3v/249 B 37 — /249 C 69 — /249 D 69 + /249
) 94 ’ . 94 . . 94 ' ’ 94 ’
Loi giai.
Diéu kién Ty >0 x+y>0.
2+ y? +ay+2

Ta co

Tty
1 = -3 —3
Og\/?:x2+y2+:vy+2 x(r—3)+yly—3)+axy

& 2logy(z +y) — 2logg(z? +y* +ay +2) = 22 +y* + 2y — 3z — 3y
& 2logy(z+y) +2—2logg(z® + oy +ay+2) =22 + 92 + oy +2— 3z — 3y
& 2logy(3x + 3y) + (31 + 3y) = 2logs(v® + 2 +ay +2) +2® + ¥ Fay +2 (%)

2

Xét ham dac trung f(t) = 2loggt + ¢, t € (0;+00), ta cd f'(t) = T3 +1>0, Vt € (0;400).
- In

Suy ra ham f(¢) dong bién trén khoang (0; +00).

Phuong trinh (*) & f(3z+3y) = f(a®> +3? +ay+2) e 22 +y> + oy + 2 =3z + 3y
rTy
r=a+Db a= 3a—b4+3
D?at{ 2 a +

VRN Khido P="—""va3(a—1)2+01*=1.
y:a—b b:x_y tdo 2a +6 va (a ) +
2

(t € [0;27]), khi do

b=sint

Dit {\/g(a 1) = cost

P 3cost — \/gsint—l—G\/g

& (2P — 3) - cost + V/3sint = 6v/3 — 8V/3P.
2cost+8\/§

Do phuong trinh luoén cé nghiém ¢ nén ta cé

(2P —3)2 +3 > (6V/3 — 8V/3P)?
& 47P?2 —69P +24 <0

69 — /249 <p< 69 + \/249'
94 - 94
S s 2, . 69+ +/249
Vay gia tri 16n nhat ctua P la +9—4
Chon dap an @ O
r+m

CAU 48. Cho ham s6 f(z) = T (mla tham s6 thyc) Goi S 1a tap hop tat ca cac gia tri cta

m sao cho r[nu} |f(2)] +n[c1a>]< |f(z)| =2 . S6 phan t1t ctia S 1a
0;1 0;1
A 6. . B. 2. C. 1 D. 4.

Loi giai.
2 T +m
Do ham so =
f(@) r+1

lién tuc trén [0;1]
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e Khi m =1 ham s6 1a ham hing nén rfnaﬁc\f( z)| _r[na?f( x)=1.
0;1 0;1

e Khi m # 1 ham s6 don di¢u trén doan [0; 1] nén

= Khi £(0); (1) cimg din thi max | £(2)] + ma ()| = |f (0)!+|f(1)\:|m|+|m7+1‘

- Kb (0) 1) o i thi i 0)] = 05 (17013 (1) = e {2

[0;1] [0;1]
-mg —1
« Truong hop 1: f(0).f(1) >0 m(m+1)>0<
m >0
1 p—
n[%;al?lf(ﬂf)lJrI[g;ilr]llf(m)l=2©|m|+‘%‘=2<:> B
L 3
« Truong hop 2: f(0).f(1) <0< mm+1) <0< -1 <m<0.
Im| =2 m = £2
r[%aﬁclf( )\+r[]81n|f( )| =2= ‘m+1 2@ m = —5(khong théa man)
7 a m=3
S6 phan tit ciia S 1a 2
Chon dap én@ O

Cau 48.1. Goi S 1a tap hop tat ca cac gia tri thuc ctia tham s6 m sao cho gia tri 16n nhat cta
2 +mx+m

ham s6 y = . ‘ trén [1;2] bang 2. S6 phan tit ciia S 1a
Xz
A 1 B. 4. C. 3. D. 2.
Lai giai.

22 +mx+m

Xét ham s6 f(x) = trén [1;2]. Ta ¢6 f/(x) lién tuc trén [1;2] va

T+1
f’(x)—x2+—2$ >0, Vzell;2]
Ty <l
Suy 1a f(z) ding bién trén [1:2]. Do d6 max /(x) = /(2) = 3m3+4, min () = /(1) = Qm; L
1:2 12
Khi 6 max | /(z )|:max{ sm ) j2m 1 }.Tacé
[1;2] 3 2
‘3”7’;4‘ > ‘2m+1| S 4Bm+4)2>92m+1)2 s m> —%
. Vd1m>—% ta co 1[1;?](“”( z)| = '3m+4‘ Theo dé bai, ta c6
3m +4 2 , -
4| = 2 m=3 (théa man)
3 3m + 4 < 10
=_9 m=—— loal
3 3
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11 2 1 R .
e V6im < ——, ta c6 max|f(z)| = m . Theo dé bai, ta c6
12’ i1:2] 2
2 1 5 y -
om 4 1 mrl_ m = —= (théa man)
—2e |, 2 & 2
2 2m +1 3 .
= -2 m == loal.
) 2
= 2 5 £ X 2 2 N
Vay S = {5; —5} = SO phan ti ctia S 1a 2
Chon dap an @ U

Cau 48.2. Goi S 1a tap hop tat ca cac gia tri thuyc clia tham s6 m sao cho gia tri 16n nhat ctia

2
ham s6 y = Whrén [1;2] bang 2. S6 phan ti clia S 1a
T
A. 1. B. 4. C. 3. D. 2.
Léfi gisi.

22 +mx+m

Xét ham s6 f(z) = po] trén [1;2].
. o . < 22 + 22 N 2 .
Ta c6 f(z) lién tuc trén [1;2] va f'(z) = Cr ) > 0,Vz € [1;2]. Suy ra f(z) dong bien trén [1;2].
x +
3m +4 2m +1
Do do 2) = =f(1) = .
I[rllagff( z) = f(2) 3 I[rllg}lf( z) = f(1) 5
2 1 1
Truong hop 1: m+ >0 m> ——.
2 3m + 4
m
Trong trucng hop nay ta co rfaax |f(x)] = 7
1;2
3 4 2 ) -
Theo yeu ciu bai toén ta ¢ Y oem= 3 (théa man).
3 4 4
Truong hop 2: m+ <0em< ~3
-1
Trong truong hop nay ta c6 max|f(z)| = me2
1;2
N CL . —2m —1 5 ) -
Theo yéu cau bai toan ta cd mT =2em=—3 (théa man).
2 1 3 4 4 1
Truong hop 3: m <0< m S ——<m< ——.
2 3 3 2
. —2m—-1 _3m+4 11 1 3m+4
Ne < & ——<m< —= thi
+) Néu 5 <3 5 SmM<—5 1T[f11%X|f( z)| = 3
~ X N K z m+4 2 2 ~
Theo yéu cau bai toan ta ¢ =2&m= 3 (khong théa méan).
; —2m—1_ 3m+4 11 4 —2m —1
Ne > - > —— thi _
) New —o—2> ==&~ 2m> g thhmax|f(2)]| = —
N . . —2m—1 5 ~ . -
Theo yéu cau bai toan ta co — = 2 m= ~3 (khong théa méan).
2 5
22 = 2.
Vay S = {3 2} = |S]
Chon dap an @ O

Cau 48.3. Goi S 1a tap hop tat ca cac gia tri thyc clia tham sd m sao cho gia tri 16n nhat cta
2 +mx+m

ham s6 y = -
T

| trén [1;2] bang 2. S6 phan t1t clia S 1a
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A. 1. B. 4. C. 3. D. 2.
Loi giai.
x2 +mx+m

Xét ham s6 f(x) = — 1 tren [1;2]. Ta c6 f'(x) lién tuc trén [1;2] va
T
2
/ T° 4 2x
=—7= >0, Vzell;2]
f@)= 5 >0, Yaeld
N . ) 3 4 2 1
Suy ra f(z) dong bien trén [1;2]. Do do rfazu](f(a:) = f(2) = m3+ ) r[mr]lf(x) =f(1l) = m2+
1;2 1;2
L 3m+4| [2m+1 )
Khi do I[Illg)}(|f(l‘)| = max {| m3—|— ' : | m;— ‘} Ta ¢6
3 4 2 1 11
M S |22 e uBm 442 > 92m+ 1) om > ——.
3 2 12
. 11 . 3 4 e ,
o V(’jlmz—ﬁ, ta co 1[na>]<|f(:c)]:' m |.Theo de bai, ta co
1;2
3m +4 2 ) ~
4| g =2 m= g (théa man)
3|77 [3m+4 = 10
=2 m=—— loai
3 3
. 11 2 1 S s
e V6im < ——, ta c6 max|f(x)| = m . Theo dé bai, ta c6
12 1] 2
-2m + 1 5 ” -
21|, 5 =2 m=—3 (théa man)
2 |- am+l 7 3 o
-2 2 '
. 2 5 £ X ? ? ~
Vay S = {5; —5} = S0 phan tr cia S la 2.
Chon dap an @ O

Cau 48.4. Goi S 1a tap hop tat ci cac gia tri cia tham s6 thiic m sao cho tri 16n nhat ctia ham
sO y = ‘3:1:2 — 6z 4 2m — 1| tren doan [—2;3] dat gia tri nhé nhat. S6 phan tit ctia tap S 1a
A. 0. B. 3. C. 2. D. 1.
Loi giai.
Goi M 1a gia tri 16n nhat ctia ham s6 y = ‘3952 — 62 4 2m — 1! tren doan [—2;3].
Ta ¢6 M > f(=2) = [2m+ 23|, M > f(1) = |2m — 4
S OM > |2m 4 23]+ [2m — 4] > [2m 4+ 23 — 2m 4 4] = 27 = M > %7 Khi M — 277 = |2m + 23] =

19
2m —4| < m = ——.

4

) 19 27
Voi m = ——, max fla) = max{f(=2); f(1); f3)} = -
Chon dap an @ O
Cau 48.5. Goi S 1a tap hop tat ca cac gia tri ctia tham s6 thiyc m sao cho gia tri nhé nhat cta
ham s6 y = — 2% — 3z + m| trén doan [0;2] bang —3. Tong tat ca cac phan tit clia S 1a

A. 1. B. 2. C.o. D. 6.
Loi giai.
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Nhan xét:
Tim m sao cho gid tri nhé nhat ciia ham s6 y = — |2* — 3z + m| tren doan [0;2] bang —3

& Tim m sao cho gid tri 16n nhat ctia ham s6 y = |+® — 3z 4 m| trén doan [0;2] bang 3.

Xét ham s6 f(z) = 23 — 3z +m lién tuc trén doan [0;2]. Ta c6 f/(z) = 322 —=3 =0 <
r=1 (n)

r=-1()

Suy ra GTLN va GTNN cua f(z) thudc {f (0), f (1), f(2)} = {m,m —2,m + 2}.

Xét ham s6 y = ‘:c?’ —3z+ m| tren doan [0;2] ta dugc gia tri 16n nhat ctia ham sb y 1a

max y = {|m/|,|m —2|,|m + 2|} = 3.
z€(0;2]

—TH1:m>0= max y=m+2=3<m=1.
z€[0;2]

—TH2:m<0= max y=2—-m=3&m=—1.
x€[0;2]

e Vay m € {—1;1} nén tong cac phan ti ctia S bang 0.

Chon dap an (C) O]

Cau 48.6. Goi S 1a tap hgp tat ca cac gia tri cia tham s6 thiic m sao cho tri 16n nhat ctia ham
sO y = ‘3932 — 6z 4 2m — 1| tren doan [—2; 3] dat gia tri nhé nhat. S6 phan tit ctia tap S 1a
A. 0. B. 3. C. 2. D. 1.
Loi giai.
Goi M la gia tri 16n nhat ctia ham s6 y = ‘3:152 — 62 4 2m — 1| tren doan [—2;3].
Ta ¢6 M > f(=2) = [2m + 23], M > f(1) = [2m — 4

2 . 2
= 2M > |2m + 23| + [2m — 4] > |2m + 23 — 2m + 4| = 27 = M > 37 Kth:;;» 2m 4 23| =
1
\2m—4\<:>m:—zg.
. 19 27
Véim = ——, max fx) = max{f(=2); f(1); f3)} = -
Chon dap én@ O

Cau 48.7. Goi S 1a tap hop tat ca cac gia tri ctia tham s6 thic m sao cho gia tri nhé nhat cta
ham s6 y = |sin4:c + cos 2z + m} bang 2. S6 phan t ctia S 13

A. 4. B. 3. C. 1 D. 2.
Loi giai.
Ta coy = |sin4x—|—cos2x—|—m| = ‘sin4x—28in2x+m+ 1‘.

Dat t =sin®z, t € [0;1], ham s6 tr6 thanh y = |2 — 2t +m + 1].

Xét ham f(t) =t —2t+m+1, véi t € [0;1]. Ta c6 f/(t) = 2t — 2 < 0, v6i V¢ € [0;1], suy ra ham
s6 nghich bién trén [0;1]. Do d6 f(1) < f(t) < f(0) & m < f(t) <m+ 1.

Xét cac truong hgp sau

e m+1<0sm<—1. Khi d6, miny = —m — 1. Theo gia thiét —m — 1 =2 < m = —3 (thda

méan).

e —1 <m <0. Khi dé, miny =0 (loai).
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e m > 0. Khi d6, miny = m. Theo gid thiét m = 2 (théa man).

Vay tap hop S c6 2 phan ti.
Chon dap an @ O
Cau 48.8. Goi S 1a tap hop tat ci cac gia tri nguyén ctia tham s6 thiic m sao cho gia tri 16n
nhat ctia ham s6 y = ix‘l — 142? + 482 +m — 30| tren doan [0;2] khong vugt qua 30. Tong gia
tri cac phan tit clia tap hop S bang bao nhiéu?

A. 108. B. 136. C. 120. D. 210.
Loi giai.
Xét ham s6 g(z) = %:p‘l — 1422 4 48z trén doan [0;2].
Ta c6 ¢'(z) = 23 — 28z + 48.
Xét phuong trinh

r =2 (nhan)
gd(x)=0&1°-282+48 =0« |2 =4 (loai)
z = —6. (loai)
Ta co
9(0) = 0; g(2) = 44.
Do do

1
0< Zf‘ — 1422 + 48z < 44

1
<:>m—30§Zw4—14x2+48x+m—30§m+14.

Khi d6 max y = max{|m — 30|; |m + 14|}.
x€[0;2]

Xét cac truong hgp sau

o m—30|>|m+ 14| & m < 8. (1)
Khi d6 max y = |m — 30/, theo dé bai
z€[0;2]

m—30[ <302 0<m<60. (2)
T (1) va (2) ta duge m € [0;8].
e |m—30| <|m+ 14| < m > 8. (3)
Khi d6 max y = |m + 14|, theo dé bai
z€(0;2]
m+ 14/ <30 —44<m < 16.  (4)

Tu (3) va (4) ta duge m € (8;16].

Vay m € [0;16] va m nguyén nén m € {0;1;2;3;...;15;16}.
Khido0+1+2+---4+ 15+ 16 = 136.
Chon dap an (B) O]
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Cau 48.9. Goi S 1a tap hop tat ca cac gia tri thuc clia tham s6 m sao cho gia tri 16n nhat cta

2
ham s6 y = m+m| trén [1;2] bang 2. S6 phan t1 clia tap S 1a
T
A. 3. B. 1. C. 4. D. 2.
Lai giai.

m2+mx+m

Xét ham s6 f(x) = tren [1;2].

r+1
242 : 2m + 1 3m + 4
Ta co f'(z) = éi—l)ﬁ > 0,Vz € [1;2]. Ngoai ra ta co f(1) = m2+ , f(2) = m3+ .
2 1 |3 4
Sy xa max g = max (111 £(2)]} = ma { B0 EL e Al
z€[1;2) 2 3
2m+ 1| =4
< . ~2m+ 1] | !
2 - 3
3m—+4 =6
. . Cam+a ! 2
Truong hop 2: xrél[%‘é]y =5 <N [2m+ 1 . 3m 4+ 4] S M= 3
2 - 3
Vay c6 2 gia tri cia m thoa man.
Chon dép an (D) O

Cau 48.10. Goi S 1a tap hop tat ca cac gia tri ctia tham s6 m dé bat phuong trinh
m?(zt — 23) —m(2® — 2?) — 2+ e®1 > 0 ding véi moi z € R. S tap con clia S 13

A. 2. B. 4. C. 3. D. 1.
Léfi gisi.
Xét ham s6 f(x) = m?(2* — 23) — m(2® — 2?) — 2z + e*! trén R.
Ta c6 f'(z) = m?(4a® — 32%) — m(32% — 22) — 1 + %! lien tuc trén R.
Do f(1) = 0 nén tit gid thiét ta c6 f(z) > f(1),Vz e R = mR;nf(a;) = f(1).

m=1

= ff1)=0=>m?>-m=0=
m = 0.

e Véim=0taco f(r)=e* 1 —2= fl(z)=e*! —1. Cho fl(z) =02 = 1.
Bang bién thién ctua f(z):

T —00 1 +00
f'(x) - 0 +
fay| T O _—

Truong hop m = 0, yéu cau bai toan dugc thod man.

e Véim=1taco f(x) =a* -3 — 23+ 22 +e* 1 —x=(r - 1222 +e* 1 —2>0,Vr € R.
Truong hop m = 1, yéu cau bai toan ciing duge thod man.

Vay tap céc gia tri cia m 14 S = {0;1}. S6 tap con ciia S 1a 22 = 4.
Chon dap an (B) O]

Bién soan € suu tam: Ths Nguyén Chin Em Trang 195


https://www.facebook.com/groups/GeoGebraPro/

Cau 48.11. Goi S la tap hop tat ca cac gia tri thuc ctia tham s6 m dé bat phuong trinh

x4+1—x2+x\/2mx4—|—2m20
ding véi moi z € R. Biét rang S = [a;b]. Gid tri clia av/8 + 12b bing
A. 3. B. 2. C. 6. D. 5.
Loi giai.
Dé thay bat phuong trinh xac dinh khi m > 0.
Khi « > 0, bat phuong trinh da cho hién nhién ding. Ta chi can xét khi z < 0. That vay, bat
phuong trinh da cho tuwong duong véi:

x4—|—1—x22—x\/m4—|—1\/2m
4 2
= +1—x
< Vim< ———
—avazt+1
(x4+1_$2)2

& 2m <

= r2(z4 4+ 1)

1 2
(#+5-1) o

1
2+ =
72

& 2m <

1 )
Dit t = 2® + — = ¢ > 2. Bat phuong trinh (1) trd thanh
T

12
2m < (t tl) = f(t),vt > 2. (2)
Dé (2) x4y ra v6i moi ¢ > 2 thi
2m < min f(¢). (3)
[25+00)

1

Ta co f'(t) =1 +% >0,Vt > 2 suyra min f(t) = f(2) = =.

t [2;400) 2

1 =

1 1 £ N ) .
Tt (3), ta suy ra 2m < 5 S m< 1 Keét hop véi dieu kién xac dinh ta ¢6 0 < m <
1
Suyraa:O,b:Z:>a\/§+12b:3.
Chon dap én@ O

Cau 48.12. Goi S la tap hop tat ca cac gia tri thuc ctia tham sé m sao cho gia tri 16n nhat
ctia ham s6 y = |2 — 32 + m| trén doan [0;2] bang 3. Tap hop S ¢6 bao nhiéu phan t1i?

A 1. B. 2. C.o. D. 6.
Loi giai.
) =-1
Xét ham s f(x) = 23 — 3z + m trén doan [0;2]. Khi d6 f'(z) =322 -3 =0«
rz=1

Vay f(0) =m; f(1) =m—2; f(2) =m+2.
Do d6 max = max|f(z)| = {|m + 2|; |m|;|m — 2|}.

[0;2] [0;2]
(mZO
|m +2| > |m —2|
m > —1
or[%ai{y:|m+2|:> |m + 2| > |m| = < =m = 1.
5 m =
m+2| =3
m = —5
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m <0
|m — 2| > |m + 2|
m<1
e maxy = |m —2| =< |m—2| > |m| = ¢ =m=—1.
[0;2] m=—1
lm —2] =3
m =5
\
(
m< —1
Im| = [m + 2|
m>1
e maxy = |m| = < |m| > |m—2| = < =meE J.
[0;2] m=3
Im| =3
\ m= —3

Vay tap hop S c6 hai phan tilam =1, m = —1.
Chon dap an O
Cau 48.13. Goi S la tap hop tat ca cac gia tri clia tham sé thic m sao cho gia tri 16n nhat
ctia ham s6 y = |2 — 3z + m| trén doan [0;2] bang 3. S6 phan ti ciia S la
A1 B. 2. C. 6. D. 0.

Li giai.
Xét ham s6 f(x) = 23 — 3z + m la ham s6 lién tuc trén doan [0;2].

) !x =1 (thoa mén)
Ta c6 f'(z) =322 -3 = f'(z) =0
z=—1 (loai).
Suy ra GTLN va GTNN cua f(z) thudce tap hop {f(0); f(1); f(2)} = {m;m — 2;m + 2}.
Xét ham s6 y = |2* — 3z + m| trén doan [0;2].
Ta dugc gia tri 16n nhat clia y 1a max {|m/; |m — 2|; |m + 2|} = 3.

TH 1. Néu |m| = 3, khi d6 max {1;3;5} = 5 (loai).

m=—1

m = d.

TH 2. Néu |m —2| =3 < [

e V6i m = —1. Ta ¢6 max {1;3} = 3 (nhan).
e V6i m =5. Ta ¢ max {3;5;7} = 7 (loai).

B m=1
TH 3. Neu /m+2| =3« [
m = —9.
e V6i m =1. Ta ¢6 max{1;3} = 3 (nhan).

e V6i m = —5. Ta c6 max {3;5;7} = 7 (loai).

Do d6 m € {—1;1}. Vay tap hop S c6 2 phan ti.
Chon dap an (B) O]

CAU 49. Cho hinh hop ABCD.A'B'C'D’ ¢6 chiéu cao bing 8 va dién tich day bing 9. Goi
M,N,P va Q lan luot 14 tam clia cac mit ben ABB'A’, BCC'B',CDD'C’ va DAA'D’'. Thé tich
ciia khéi da dien 16i ¢6 cac dinh 1a cac diém A, B,C, D, M, N, P va Q bang

A. 27, B. 30. C. 18. D. 36.
Loi giai.
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Ta c6 VABC’D.A’B’C/D/ =98 ="72.
Goi I, J, K, L 1an luot 1a trung diém céac canh AA’, BB',CC’, DD’ suy ra Vagep.rikr = 36.
X : ? A 1 ~ 1
Do hinh chép AMIQ dong dang v6i hinh chop AB’A’D’ theo ti s0 5 hen Vamor = zVapap =

11 9 3 i
Vapep.mnpg = Vapep.arsxr — Vamig = 36 — 4-; = 30.
Chon dap an O]

Cau 49.1. Cho hinh hop ABCD.A'B'C'D’ ¢6 AB = a, B'C' = a\/5, cac duong thing A'B va
B'C cuing tao v6i mit phang (ABC'D) mot goc 45°, tam giac A’AB vuong tai B, tam giac A'CD
vuong tai D. Tinh thé tich V ctia khéi hop ABCD.A'B'C'D’ theo a.

3 3 3
AV =243 B_sz%_ C.V:“f. D.vz“g/g.
Lo giai.
A'B L AB
Tac6 A'D L CD = A'D | AB, vay b Lan ™ AB L (A'BD) = (A'BD) L (ABCD) theo
D 1 AB

giao tuyén BD.
Ta c6 B'C'|| A’D nén A’'D tao v6i (ABCD) goc 45°.
Goi H 1a hinh chiéu ctia A’ xudng (ABCD), H € BD, ta ¢6 AABH = A'DH = 45° nén AA'BD
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vuong can tai A’.
Vay H la trung diém ctia BD.
. 1
C6 AB L (A'BD) = AABD vuong tai B = BD = VAD? — AB? = 2a, Sagp = =AB - BD = 2.

2
BD
Co AH = - = a= Vapcpapcp =AH-25ipp = 2a>.
Chon dap an @ L]

Cau 49.2. Cho hinh hop ABCD.A'B'C'D’ ¢6 day 1a hinh chit nhat v6i AB = /3, AD = /7. Hai
mat bén (ABB'A’) va (ADD'A’) 1an lugt tao v6i day mot goc 45° va 60°. Tinh thé tich ctia khoi
hop néu biét canh bén ctia hinh hop biang 1.

A. 3. B. 5. C. 4. D. 2.

L&i giai.

Goi H la hinh chiéu vuong goc A’ len (ABCD).
Goi M, N lan lugt 13 hinh chiéu vuong géc H lén
AB,AD = A/NH =60° va AAMH = 45;.
Dat A'H =z, khi d6 AN = —— = =2,

* Ao Sin60° /3

2
A'N = /AA? — AIN? — \/3 34:1; — HM

HM = z.tan45° = x

:>\/3_4I2—x:>x—\/§
3 VT

3
Vapcp.apcop = AB.AD.x = ﬁﬁ\/; - 3.

Chon dap an (A) O

Cau 49.3. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 tong dién tich ciia tat ci cac mit 1a 36,
do dai dudng chéo AC’ = 6. Héi thé tich ctia khdi hop 16n nhat 1a bao nhiéu?

A. 8. B. 16v2. C. 8V2. D. 24/3.

L&i giai.
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A : B
D E S
A/L-/ .................
B
p L=
C

Goi do dai ba canh AB = a, AD = b, AA" = c.
a® +b* + ¢ = 36
2(ab + be + ca) = 36.
Laico (a+b+c)>=a®+0>+2+20ab+bc+ca) =72 =a+b+c=06V2.
Ap dung bat déng thitc Co-si cho ba sé duong a,b, ¢ ta co:

b 3
(a+b+c)® > 3vabc & abe < % = 16v/2.

Chon dap an O
Cau 49.4. Cho hinh hop chit nhat ABCD.A'B'C’'D’. Goi M la trung diém ctia BB'. Mit phang
(M DC") chia khoi hop chit nhat thanh hai khéi da dieén, mot khoi chita dinh € va mot khoi chita
dinh A’. Goi V4, V4 1an luot 1a thé tich ctia hai khéi da dién chita €' va A’. Tinh %

Theo bai toan ta cé:{

2
Vi T i T Vi 7 Vi 17
A L= B L1_-°. c. L-_L. D. L--L
Vo 24 Vo 17 Vo 12 Vo 24
Loi giai.
GoiI=BCNC'M=DINAB =K. Yy D
Khi d6 ta 6 Vi = Viepor — Vigras trong dé |
BI ! C/
% _lie tep. oo =ty |
ICDC" — 3 9 - 3 3 M :

Miit khac “fBKM _!

, Viepey 8
;‘VF%V—@EVZQ
7
Vo 1T
Chondépén O]
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Cau 49.5. Cho hinh hop chit nhat ABCD.A'B'C'D’ c6 thé tich biang 1 va G la trong tam
ABCD'. Thé tich ctia khéi chép G.ABC 1a

1 1 1 1
AV =—. B.V=-. C.V=—. D.V=—.
3 6 12 18
Loi gii.
Ta thay Vapcpper = Va.aperp + Va.apep + A
Va.corpp +Va.app + Va.Beor | D’
Vi G la trong tam tam gidc BD'C nén ta co Lo
G JG  C0G 1 SN
ID  JB CA 3 B’ 5
: /\/\ e ”,»7” Cl
Do vay ta dugc ! ’{(:/’ /
( 1 1 A#/-;:—:—::——/——— —V—-OZ;"'——'—: - =
Va.apcp = gVD’.ABCD =3 K RSSO D
1 1 NS Pt €A
Ve.coop = 3Veoopp =g R P |
< ’ , /,’/ // \\
1 1 S , N
|V ’ = —Vr ’ = — ) L7 )/ \
G.ACC 3 VDr.aco 13 B |~ )
2 1 1 C
Veapp = ZVeapp = <.
\ 3 9
1 7 1
Ta dudc Vg aperp = Vapepop — Va.asep + Va.copp + Va.peor + Va.app] = 37 18=9
, 1 1
Ta ¢6 Vg aper = SVa.apep = ¢
Chon dap an @ O

Cau 49.6. Cho hinh hop ABCD.A'B'C'D’" ¢6 day ABCD la hinh thoi tam O, canh a, goc
ABC = 60°. Biét ring A’O L (ABCD) va canh bén hgp véi day mot géc bang 60°. Tinh thé tich
V cta khoi da dien OABC'D'.

3 3 3 343

a a

Lai gidi.
Tu gid thiét, suy ra tam giac ABC déu canh a = OA =
AC _a

2 2
Vi A’O L (ABCD) nén
60° = (AA’, (ABCD)) = (AA’, AO) = A'AO.

. . , — 3

Tam giac vuong A’AO c6 OA" = OA.tan A/AO = %.
. .. 3a3
Suy ra thé tich khéi hop V = Sapop.OA’ = %.
Ta c6 V = Vo.apop + Vaap.ppc + Vor.poc + Vpr.aop +
Vo.coper ,
1 1 1 1 V  a

= Vo.ABcD + §V+ EV+ EV—l— 6‘/ = Vo apc'p = E = g
Chon dap an (C) O]

Cau 49.7. Cho hinh hop chit nhat ABCD.A'B'C'D’. Goi M 1a trung diém ctia BB'. Mat phang
(M DC") chia khoi hop chit nhat thanh hai khéi da dién, mot khoi chita dinh C' va mot khoi chita

dinh A’ Goi Vi, Vs lan luct 1a thé tich ciia hai khéi da dién chita ¢ va A”. Tinh %
2
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Vi 7 Vi 7 Vi 7 Vi 17

A —=—. B —=—. C. —=—. D —=—.
Vo 24 Vo 17 Voo 12 Voo 24
Loi giai.
Goi I =BCNC'M = DINAB =K. Yy D
Khi do6 ta c6 Vl = VIC’DC’ — VIBKM trong do E
B/ L C/
Vi = 1IC 1C’D cC' = 1V' :
ICDC/ - 3 2 - 3 ) M |

1
Matkhacvff‘ﬂ:—
, Vicpey 8
— V2.V = B C
=W %7 g 3V 24V
L h T
Vo 17
Chon dap an (B) ]

Cau 49.8. Cho hinh hop chit nhat ABCD.A'B'C'D’ c6 thé tich bang 1 va G la trong tam
ABCD’. Thé tich ctia khéi chép G.ABC 1a

1 1 1 1
A V= B.V=-. C.V=—. D V=—.
3 6 12 18
Lo gidi.
Ta thay Vapcppor = Va.aperp + Va.apep + A
Va.corp'p + Va.app + Va.pocr- | D’
Vi G la trong tam tam gidc BD'C nén ta c6 Lo
G JG _ 0G 1 SN
ID  JB CA 3 B’ 5 N
: //\/\ L’ ”,—7:’ C/
Do vay ta dugce A 5—"" .
: ///”’,:’/ \\ /// //,’ J
( 1 1 A#/-;:—:—::——/——— —V—-OZ;"'——'—: - =
Va.apcp = gVD’.ABCD =3 K RS D
1 1 N Pt €N
Vecopp = gVB.CC’D’D =3 S .
< ’ , /,’/ // \\
1 1 S , N
|V ’ = —Vn ’ = — ) L7 )/ \
G.ACC 5 Vprace 18 B |4 )
2 1 1 C
Veapp = ZVeapp = ¢
\ 3 9
1 7 1
Ta duge Ve aperp = Vapeperp — [Va.apep + Ve.copp + Va.peor + Va.app] = 3718~ 9
, 1 1
Ta ¢6 Ve.aper = 5Veapon = 15
Chon dép an (D) O

Cau 49.9. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 tong dién tich ciia tat ca cac mat 1a 36,
do dai dudng chéo AC’ bang 6. Héi thé tich ctia khoi hop 16n nhat 1a bao nhieu?

A. 8. B. 8v2. C. 16v2. D. 24./3.
Loi giai.
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Goi do dai AB = a, BC = b, AA' = c. D' cr
) . ab 4+ bc + ca = 18 i
Khi doé theo de ta co A | B
a® 4+ b* + % = 36. |
Suy ra (a+b+c)? = a? + b + 2 + 2(ab + be + ca) = 72. !
Hay a+b+c=6vV2 < b+c=06y2—a. . !
Ta c6: b2+ +a® =36 < (b+c)? — 2bc + a® = 36. !
) (6v2 —a)? +a* - 36 Dpmememes - C
Hay (6\/§—a) —2bc+a? =36 = be = 5 ) L b
ne
a B
2
6v2—a) +a®>—36 2a3 —12v/2a2
TfrdétaCéV:abc:a-<\/_ >2 _ \g_a ~|—36a‘
Khong méat tong quat, gia sit a = max{a, b, c}, khi d6 6v2=a+b+ ¢ < 3a = a > 2v/2.
o 9 2, 29 2, (b+c) 5 (6v2—a)? 2
Laico36=a’+b>+c*>a —i—T:a —|—T:>3a —12v/2a < 0 = a < 4V/2.
) 203 — 12+/2a?
Xét ham s6 f(a) = =~ \2[“ 5% 60 e 2v2 V3],
s f(2v2) = 4v2
2 _24V/2 a =2 (loai
Ta 6 f/(a) = 2 \/_a+36,f’(a):0<:> (loal) " o f(3v2) =0
2 a = 3v2 (nhan)
f(+v2) =s8v2.

Vay Vinax = 8v/2 khi a = 4v/2,b = ¢ = V2.

Chon dap an O]
Cau 49.10. Cho hinh hop ABCD.A'B'C'D’ ¢6 day 1a hinh thoi canh av/3, BD = 3a, hinh chiéu
vuong géc clia B trén mat phang (A’B'C'D’) trung véi trung diem ctia A’C’. Goi () 1a goc tao

bdi hai mit phang (ABCD) va (CDD'C’), cosa = g Tinh thé tich khéi hop.

3 3 3 3
A e B, 9V3d® c. 2 p. 3V3a®
4 4 4 4
Lai giai.

Goi O va O’ lan ludgt 1a tam cta hinh thoi
ABCD va A'B'C'D'. Vi BO' L (A'B'C'D') nén
OD' L (ABCD).

Ta c6 AD = a\/g, DO = %a nén

AO = \/AD?2 - DO? = —“\2/3.

Suy ra AC = av/3, do d6, tam gidc ACD déu.

Tu O ké OH L CD, két hgp v6i OD' 1. CD (do OD' L (ABCD)) suy ra HD' L CD.
Suy ra goc gitta hai mat phang (ABCD) va (CDD'C’) 1a OHD'.

1 — 2
Ta ¢6 OHzé-hA:%a, OHD’:ozvatana:g. SuyraOD’:OH-tana:%g.
1 2
Dién tich day hinh hop la Sagep = 3 AC -BD = 3a2\/§.
N . 9a®
Tu dO, V:SABCD'OD = T
Chon dap an (C) O]
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Cau 49.11. Cho hinh hop ABCD.A'B'C'D’ ¢6 tat ca cac canh déu bing 1 va cac goc phang &
dinh A déu bang 60°. Tinh khoang cach giita hai duong thang AB’ va A'C’.

A Y2 B. 2. c V2 D. 2.
11 11 11 11
Lai giai.

Dé& thay hai mat phang (ACB') va (DA'C') song
song.

Nén khoang céch giita hai dusng thang AB’ va A'C’
biang khoang cach tit A’ dén mat phang (ACB').

Va bing khoang céch tit B dén mat phing (ACB').

Lai 6 d(B, (AOI)) — SYB-AOI
Spa0r1

Tt gid thiét suy ra A’ABD la tit dién déu canh bang

V2

1. nén thé tich 1a ~—.
12

Ap dung cong thic ti s6 thé tich ta duge
1 V2

VB.ao1 = ZVB,ADA’ =

48"
. . : , 1 :
Tam giac AOI can tai A c6 Al = ?,O[ =3 Goi
v11

K la trung diém OI ta tinh dugec AK = — Va
1a duong cao. Suy ra dién tich tam gidc AOI bang

VI
16 °
d(B, (AOI)) — 3Vp.aor _ \/ﬁ.
SpAor 11
Chon dap an @ O

Cau 49.12. Cho hinh hop ABCD.A'B'C'D’ ¢6 thé tich bang V. Goi M, N, P lan lugt 1a trung

diém ctia cac canh AB, A'C’, BB'. Tinh thé tich khéi ti& dien CMNP.

5 1 7
A —V. B. -V. . —V. D.
48V 8V C 48V

L&i giai.

1
=V.
6

Dung NK | CM,K € A'B' suy ra NK || (CMP). Goi I = BK N PM.

Ta o
e Veune AN, (PMC))  d(K,(PMC)) KI
Vepme  d(B,(PMC))  d(B,(PMC)) BI’
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Goi E, F lan lugt 1a trung diém ctia A’B’, A’A, T = BKNEF, O = BK N AB'.
KI BJHKT 5
Ta c6 BI =10 = OT = 2KT. e
A X 50 5su1y L 2KT 2
DO dé VCMNP:§VBPMC:_ ....... V=—V.

Chon dap an @ O

Cau 49.13. Cho hinh hop ABCD.A'B'C'D’" ¢6 day ABCD la hinh vudng canh 2a va AA" =
A'B = A'C = 2y/2a. Thé tich ctia khdi ti dien AB'D'C béang

A. 4€a3.
B. 4\/6a3.
$
4a
c. 2L
3
D. 4\/5‘”3.
3
Li gii.

Goi O 1a hinh chiéu vuong goc ctia A’ len (ABCD).

Ta c6 AOA'B, OA'C, OA’A la cac tam giac vuong tai A,
dong thoi A/A = A'B = A'C = OA = OB = OC = O la tam
duong tron ngoai tiép AABC.

Do AABCD la hinh vuong nén O chinh la tam cta hinh
vuong.

Thé tich ctia khéi hop 1a

/
Vapep.apcpr = Sapep.apcp - AO. (1)

Ta c6 AOAA" vuong tai O = A0 = VAA?Z — AO? = /8 -2 = V6a.
Ta ¢6 Sapcp = 4a®, A’O = /6a nén thé vao (1) ta dugc

Vapep apop = 4a* - V6a = 44/64°.

Mat khac
Vacs'p = Vapep.ascp — Vp.acp — Ve.apc — Vpr.coB — VB.aap: (2)
Ta co
1
Vor.acp = Ve.apc = Vpr.coB = VB aap = EVABCD.A’B’C’D’- (3)

T (2) va (3) suy ra ta co

4 1 4v/6a3

Vacs'p = VaBep.aBcp — EVABCD.A’B’C’D’ = gVABCD.A’B’C’D’ =5
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Vay thé tich ctia khéi ti dien ACB’D’ bing
e Luu y:Trong thuc hanh ta cé thé dung cong thic

4+/6a3
5

1 1 44/6a?
Vace D = EAC -B'D' - sin (AC, B'D') =5 x 2v/2a x 2v/2a x V/6a = \/fa )

Chon dap &n O
CAU 50. C6 bao nhieu s6 nguyén x sao cho ton tai s6 thuc y théa man logy(z + y) =
log, (:E2 + y2>?

A. 3. B. 2. C. 1. D. Vo sb.
Loi giai.
z+y=23"
Dat t = logs(z +y) = logy(+* + y°) = ! (1)
2+ y2 — 4t

t

Suy ra z,y la toa do cla diem M v6i M thuoc duong thing d : z +y = 3! va duong tron

(C): 2% +y? = 4L

2 N . P X . _ .2 - 3t
Dé ton tai y tic ton tai M nén d, (C) c¢6 diem chung, suy ra d(O,d) < R = | NG | <22%et<
logs v/2.

, O<z+y<3®s g
Khi do (1) & o Minh hoa quy tich diem M nhu hinh vé

w4yt <4
-2 X

Ta thay c6 2 gia tri € Z théa man 1a z = 0;2 = 1.
Chon dap an O]
Cau 50.1. C6 bao nhiéu sé nguyen m € (0;2018) dé phuong trinh m + 10z = me® c6 hai nghiem
phan biet?

A. 9. B. 2017. C. 2016. D. 2007.
Loi giai.

Vé6i x = 0, phuong trinh tré thanh m = m (luén dang), suy ra v6i moi m € (0;2018) phuong
trinh luén c6 1 nghiém = = 0.

1
V6i x # 0, ta ¢c6 m + 10x = me* & m = x()ml.
e J—
2 1 10(e* — ze® — 1
Xét ham s6 y — f(z) = exo_“"l tren R\ {0}, ta ¢6 f/(z) = O(G(Gx _"”‘7‘;)2 ) <0 v e R\ {0).
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That vay, xét ham s6 g(z) = e — ze® — 1. Ta c6 ¢/(x) = e* — (e* + ze®) = —xe”.
Ta c6 bang bién thién nhu sau:

T | —00 0 —+00
g'(z) + 0 -

0
g9(x) . T .

T |—00 0 +00
f'(=) - -
+00 10
J(x) \ \
10 0
. i ) . L. | 0<m <2018
Suy ra yéu cau bai toan théa man khi va chi khi
m # 10.
Do d6, ¢6 2016 s6 nguyén m théa man yéu cau bai toan.
Chon dap an @ O]
Cau 50.2. Xét cac so6 thuc duong z,y thdéa man In ( _+ x) =324y —1. Tim gia tri nho nhat
rTy
P cﬁanlJr L +1
min - T \/x—y
A. Pynin = 8. B. Py, = 16. C. Puin = 9. D. Puin = 2.
Loi giai.
1-2 . 1-2
ln( x):3x+y—1xécdmh(:> x>0.
Tty rT+y

1
Dox,y>0nén1—2x>0<:>0<x<§

1-2
x) =3r+y—1
Y

Khi do: ln(m
&n(l-2z)-In(z+y)=(r+y) — (1-—2x)
(1= 20) +(1—20) =In(z + ) + (& + y)

Xét ham s6 f(t) =Int+t véit >0
Ham s6 f(t) xac dinh va lién tuc trén khoang (0; +o00)
1 P N )
f(t) = i +1>0;Vt > 0. Suy ra ham s0 f(¢) dong bién trén (0; +o00)
= f(l—2z) = f(z+y)
Sl-2r=r+yey=1-3x>0
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1 1 1 P N 1
Dodé: P=—4+ ———+1> -+ +1 (Dau bang xay rakhiz =1-3z < 2 = -
r  \/x (1 —3x) r 1-—2z ( 4)

. 1 2 1
Xét ha 0 = - 1; (O;—)
ét ham so f(z) :v+1—2x+ T € 3

) . 1
Ham so f(z) lién tuc trén (O; §>

1 4
Np) = —— + — =
fl@) ==+ g
fll)=0& —— + 1 =0
22 (1 - 22)
1
@43:2:(1—2;15)2(:)3321
Bang bién thién
. 0 1 1
4 3
y - 0 +
400 9
8
" . 1
Vay Pupin = 8 tai z = 2
Chon dap an @ O
~ N z S 2 ~ 23; + y + 1 N sz . 2
Cau 50.3. Cho z, y la cac so6 thyc duong thoa man logs —3a = F + 2y. Tim gia tri nhé
rTy
P .2 1 2
nhat cta biéu thic T'= — + —.
T Y
A. 3+/3. B. 4. C. 3+2V3. D. 6.
Loi giai.
Ta co:
2r+y+1
lo =x+2
g3 T4y Y

&logg(2r +y+1) —logg(z +y) =3 +y) - Lr+y+1)+1
elogs(2e+y+1)+ 2e+y+1) =logs3(z+y)] +3(z+y). (1)

Xét ham s6 y = f(a) = logga + a trén (0; +00).

Dé thay ham s6 y = f(a) 13 ham s6 dong bién trén (0; +o00).

Dodo, (1) & f2x+y+1)=fBx+y) e 2r+y+1=3@+y ©ax+2y=1
1 1

Taco —4+ —=—+—

(1+1+1)2 9

1 1 1
x+1+y+1+y x+2y+§
Dau “=" x4y ra khi v& chi khi = =

N | —
e~ =

Y=
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Chon dap an @ O

2017
£ 2 , L2 . 2 A 2 ~ 1
Cau 50.4. Tim tat ca cac gia tri thic clia tham s6 a > 0 thoa man (2“ + —2a) < (22017 + 30T

A 0<a< 1. B. 1 <a<2017. C. 0<a<2017. D. a > 2017.
L&i gii.

In(2% 4 277) (2" =272 — (2" +27") (2" +277)

/ —
= fl(z) = :EQ(QQU +2-7)
Viln2® <In(2® +27%) vA 0 < 2¥ — 277 < 2% + 277 nen f'(x) < 0 = f(x) nghich bién.
Do vay

Xét ham f(z) =

1 2017 5017 1 a
a
(e 5) = (7 )

&20171In(2% + 27%) < aIn(22017 4 272017)

a | 9—a 2017 | 9—2017
<:>11r1(2 +27%) < In(2°"" + 2 )
a 2017
&a > 2017.
Chon dap an @ O

Cau 50.5. Cho a,b, ¢ la cac s6 thuc thuoc doan [1;2] théa man log3 a + log3 b + log3 ¢ < 1. Khi
bieu thitc P = a® 4+ b% + ¢ — 3 (logga® + logyb® + logyc®) dat gid tri 16n nhat thi tong a + b + ¢

la
1

A. 3. B. 3.2, C. 4. D. 6.
Loi giai.
Dat x =logy a, y = logy b, z = log, c.
Ta co logga—i—loggb—i—log%cg =234+ +23<1;0<2,y,2< 1.
Biéu thiic P = a3 + % + ¢ — 3(az + by + c2).
X6t ham s6 f(t) = £ — logy t vGi £ € [1:2]. f(t) = 1 — ﬁ;f’(t) —0e =
Suy ra £(t) < max{ £(1), f(2), f(to)} =1, = € [1,2].
Do do, a—:r:—l§0:>a3—3ax—x3—1:(a—a:—1) (a2+x2+1+a+ax—x) < 0.
Suy ra a’ — 3ax < 23 + 1.
Biéu thitc P = a3 + b3 + ¢ —3(azr + by +c2) <a® + 97 + 23 + 3 < 4, Ppax = 4.
Déng thtc xay ra khi va chi khi hai trong ba sé z, y, z bang 0 va s6 con lai bing 1. Vay
a+b+c=4
Chon dap an (C) O]

Cau 50.6. Cho hai sd thuc a, b théa man a® + b* > 1 va loggeye (a+b) > 1. Gia tri 16n nhat
ctia biéu thitc P = 2a + 4b — 3 1a

A. V10. B. @ C.

5 D. 2v/10.

e}

Lai giai.

Do a2 +b® > 1 nén
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loggzp2(a +0) > 1
sd—a+bt?-b<0

N
“73 5) =3

TacéP:2a+4b—3:2(a—%)+4(b_%)_
1\? 1\2

Do ds P2 < (244 |(a=3) +(b-3) | -0

Suy ra —v/10 < P < /10

Chondépén@
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PAP AN THAM KHAO

1A 24A 313C 51D 65C 710A 9.1C 10.7B 11.12 12.15

A D
11C 25D 314D 52B 6.6B 711 A 92C 108 A
11.13 13D
1.2D 26D 315C 53B 6.7A 7.12A 93B 109 B C
13.1 A
1.3C 27B 3.16A 54A 68C 713 A 94B 10.10 11.14
B ) 13.2 A
1.4A 28A 317A 55B 69C 714 A 95D B
10.11 13.3 D
1.5C 29B 3.18B 56B 6.10 A 8 A 9.6 A c 11.15
B 13.4 B
1.6 C 210D 3.19C 57A 6.11C 81D 97C 10.12

12D 13.5 A
1.7C 211 A 320B 58A 6.13A 82B 98 A B
12.1 C 13.6 D
1.8D 212 A 4B 59C 6.14B 83D 99 1013
D 12.2 3 13.7 C
1.9A 213 A 41 A 510D 6.15D 84D 9.10 A
1.10 B 2.14 A 42C 511D 616D 85 A 9.11D D

1.11 C 2.15A 43B 5.12D 6.17B 86D 9.12 A 10.15

A 12.5 ¢ 13-10
112B 3A 44B 513C 6.18A 87 A 9.13C A

11D 12.6 C
113B 3.1B 45B 514C 6.19C 88D 9.14D 13.11

11.1 A C
114D 32B 46B 5.15B 620C 89D 9.15D 12.7D

, 13.12
115C 33C 47A 516A 7D 810D 916C 2D 1283

D
116 A 34B 48 A 517B 71C 811D 917 H3C 1294 13.13
117D 35B 49C 518C 72 A 812 A 918 A 14D 1210 D
A
118 C 36C 410C 519C 73B 813D 10c 5C 13.14
l1ep 1211 D
119 A 37D 411 A 520B 74D 814 A 101 B
\ 13.15
1.20D 38D 412 A 6C 75D 8158 102 A 118 1212 D
2 A 39C 413A 61C 76D 816 A 103D 19D D 14 A
21 A 310D 414B 62D 77D 817C 104D él'lo ]1)2'13 14.1 B
22 A 311C 415B 63D 78D 818 A 10.5 A 14.2 A
11.11  12.14
23D 312A 5C 64B 79D 9C 10.6 C B D 14.3 D
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144 B 15.10 16.14 183 B 20.7 A 22D 23.12 269 A 289 B 29.14

D C C A
14.5 B 184 B 20.8 A 22.1 B 26.10 28.10
15.11  16.15 24 C C C 29.15
14.6 A, B 185 B 20.9 B 22.2 A A
24.1 A 26.11  28.11
14.7 A 15.12 17 D 18.6 B 20.10 22.3 A D D 30 A
A A 24.2 D
14.8 B 171 A 187D 22.4 B 26.12 9519 30.1C
20.11 243D B
15.13
1498 17op 188D g 22.5 B C 30.2 D
A ' 24.5 C A
B C ) D
174 A 19C 22.7 C 27 C 30.4
1411 o 90.13 25 A 28.14
A MY a7s A 191C 22.8 C 27.1 A B 30.5 C
A 25.1 A 0.6 D
19.2 A 29 D :
14.12 16 C 17.6 A 20.14 229 A - 27.2 D 29
B :
6q o 177D 1938 B 22.10 273D 29.1D 307D
: 25.3 A
14.13 178 A 19.4 A 20.15 ¢ 274 C 292 A 308C
A 16.2 B C 95.4 B
179D 19.5D 2201 TR 05 A g9 a 309D
14.14 163 C 2183 D 255 D '
A 17.10 19.6 A 27.6 A 994 A 010
16.4 D b 211 B 23 B 25.6 C C
14.15 19.7 A 27.7 B 995 C
A 16.5 C - 212 A 231C ., 30.11
. ' 19.8 B 218 B o596 B
15 B 16.6 A 21.3 D 23.2 C 258 C
27.9 A 31 B
16.7 C 17.12 19.9 C 23.4 B 29.7 B
15.1 B 214 C 26 B
16.8 A 21.5 ¢ 23.5 C ’
15.2 B 1713 D 26.1 A ,g 1 oo 319 A
16.9 A p 21.6 A 23.6 A '
15.3 A 20 B 262 A 590 31.3 D
16.10 29.10
17.14 21.7 A 23.7 A
15.4 A N " 20.1 D 26.3B 953 A A 314 D
21.8 B 23.8 C
15.5 A 16.11 1715 20.2 B 26.4 D 28.4 D 29.11 31.5 A
156 D A A 203 ¢ 21.9B 239D o550 oo © 31.6 C
157 C 1612 g 994 ¢ 2110 2310 geen Lol 2912 o oo
A B D C
15.8 D 18.1 C 20.5 A 26.7 D 28.7 B 31.8 D
16.13 21.11 23.11 29.13
159 A D 182 C 20.6 B A C 26.8D 288D A 31.9 D
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31.10 33.1 B 34.14 36.12 39D 40.10 41.12 43.8 B 46.3 C 48.12

D 332 A C C 39.1c P B 43.9 A 464 C B
?],31.11 33.3 D 3415 3613 595 o 4(130.11 11.13 44D 465 D 48.13
D D
33.4 B 39.3 B 44.1 C 46.6 B
31.12 35 A 36.14 40.12 41.14
o 33.5 A 1o D 39.4B B 442 A 467B 9B
31.13 336 A sso o 3615 395C 4013 4115 443 B 468 C 49.1 A
C 33.7 A w52 D 39.6 C A B 448 47D 499 A
31.14 338D~ 37 ¢ 397 A 4004 4LI6 4 5p
D 33.9p °994A D D ’ 49.3 B
: \ 371D 39.8C 446 C 479 B
31.15 35.5 40.15 41.1 :
B 33.10 372D 39.9 C B 44.7 D . 494 B
C 35.6 B o B 47.3
37.3 A 39.10 49.5 D
SL16 - 3311 357D 9 10.16 4118 48D 474 p
A 37.4 A C
D 35.8 A 2011 C 44.9 A 47.5 C 49.6 C
c 33.12 a2 g A A C 410 476 B 497 B
B 37.6 D D A -
. . 47.
3118 4,4 3510 477 B 3912 018 4120, 44 49.8 D
A C . D B
A C D 47.8 A
3511 378D 3913 41.21 49.9 B
3119 .., - : 40.19 ' 4412 479D
C B 37.9 B A B 49.10
C C B 4710
31.20 . . . 42 B
’ 24 D 3[,)5 12 27 10 ?39 14 4090 w13 D
A 421 D ) 49.11
34.1 A 48 C
32 C 36 B 38D 3915 44 A 422 A A
34.2 A 45 C
391 A B 481 D
: 36.1 A 38.1 A 411 A 423 C
343 B . 45.1 A 49.12
32.2 D . 39.16 48.2 D
4o 3448 D : 452 A o4
: 36.3 C 383D 413 ¢ 425D : 49.13
324 p 545 A 40 A ' 453D eup o
‘ 36.4 D 38.4 C 414 ¢ 4268 : B
305 g 346 B 40.1 C 45.4 A 48.5 C
' 36.5 D 38.5 A 415 ¢ 42.7C . 50 B
306 ¢ 347 B 40.2 A 45.5 C
36.6 D 38.6 A 416D BC 48.6 D
32.7 3 348C 40.3 A 43 p 45638 50.1 C
36.7 B 38.7T A 41.7 D . 48.7 D
3283 349D 40.4 D 430D 7B 50.2 A
36.8 C 38.8 D 41.8 B : 48.8 B
32.9 A 34.11 40.5 B 133 D 458 C
D 36.9 B 389 A 419D 48.9 D 50.3 D
32.10 40.6 B 434D 459 C
D 34.12 36.10 38.10 41.10 4810 504 D
o1t B A C 40.7 A C 43.5 B 46 C B
. 50.5 C
B 34.13 3611 38.11 408D 4947 436 A 461C 4g4,
g3 D A B 409 C D 43.7 B 462 B A 50.6 A
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