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Pé cuong hoc tap moén Toan 10 — Tap II Ths. L& Van Poan

@ Diéu kién ciia bit phuong trinh

Diéu kién cta bit phuong trinh 1a didu kién ma 4n s6 phai thda méan dé cac biéu thirc & hai vé
cua bat phuong trinh c6 nghia. Cu thé, ta c6 ba truong hop:

Diéu kién c6 nghia: Q (\} =0.

+ Dang P(\) - Piéu kién c6 nghia: P(x) >0.

- Diéu kién c6 nghia: Q (x) > 0.

@ Hai bit phwong trinh twong duwong

Hai bit phuong trinh dugc goi 1a twong dwong véi nhau néu chiing ¢6 ciing mot tap nghiém.

® Phuong phap gidi bit phwong trinh va hé bit phwong trinh bac nhit mét in

a/ Giai bat phuong trinh bac nhit mot 4n

& Phuong phap:
— Budc 1. bit diféu k’ién cho bat phuong trinh c6 nghia (néu co)
— Budc 2. Chuyén ve va gidi. ‘
— Budc 3. Giao nghiém véi dicu kién duoc tdp nghiém S.

b/ Hé bt phuong trinh bac nhit mét an

& Phuong phap:
— Budc 1. bit diéu ki@n cho hé bat phuong triph 9(’) nghia (néu co).
— Budc 2. Gidi tung bat phuoqg trinh cta h¢ roi lay giao cac tap nghiém thu dugc.
— Budc 3. Giao nghiém véi dicu kién duoc tdp nghiém S.

@ Giai va bién luin bit phwong trinh bic nhét dang: |ax + b < 0f.

Diéu kién Két qua tap nghiém
a>0 5:[_3@:_]_)]
; a)
: B
a <0 S=|——;+0
. a
h>0 S=o
a=>0
b <0 S=R

, ax — b <0
= Luu y: Ta co the gidi tuong tu cho cac truong hop: ax +b >0 VvV | b0
jax —b >

"Can cu bu thong minh............ Page-1 -




Ths. L& Van Poan Chuong 4. Bét déng thte va Bit phuong trinh
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| Dang 1. Giai phirong trinh bie nhit - Hai phuong trinh twong dwong |
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Ye Ve e
BAI TAP AP DUNG
Bai 1. Tim diéu kién c6 nghia ctia cic phuong trinh sau
v ta L 2/ 2f-14+¥x-1< 2%

X x+1 X—f—l'

3 X Vx —3
3/ 3x+ > 2+ . 4/ ———>+16—2x.
Vx —2 x—3 |X|—\/X—3

x+1 1 6/ L1t oo,

x> —3x+2

7/ x+NVx—4<1l4++Vx—4. 8/ \/2—x+x<2+\/;.

5/

g Xt2.o,, 4 10/ x4+ XL oo 2
1+x> (x—2)2 S vx —3 Vx —4
Vx +1 1 3 2x —3 1
11/ + < .12/ <3 —4x + :
i1 (- 8)(x+4) " 6= =1 xr2 S ko

Bai 2. Chtrng minh cac phuong trinh sau v6 nghiém

1/ xX>4++Jx+8<-3. 2/ Jx—6++/3—x>—4.

3/ 3—x++x—5>-10. 4 J1+x -2+ >1.

1 _ \/5—_X < 4 —x*
5/ (x—3)V-x-10>(x'+1Vx-5. & er(&+2) AT

7o —xle—— o 8/ X' 4l4vx —xP+1<2¥x 41,
\/X2—X+1

2

4
Vx2+1

11/ 45’ +4x+2 +4x° —6x+10 <2. 12/ x+2x—24+x+1-1<0.

9/ 4x6+3>(x4+2) 10/ x> +1+ <4.

Bai 3. Xét su twong dwong ctia cac cap bat phuong trinh sau

1/ —4x+1>0 & 4x—-1<0.

1

2/ 3x+ .
Xx—3 Xx—3

>3+

& 3x—-32>0.
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Pé cuong hoc tap mdén Todn 10 — Tap II
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3/ WJx—-1>x.
4 X5
<t 41
5 2x—-3-— <x—4.
Xx—5
6/ x+3-— 1 <2-— 1 .
x+7 X+ 7

7/ 4x+8<1-—x.

8 3x+1<x+3.

X+5

x—1

9/ <0.

10/ x* > x.

11/ x'>x*.
12/ lgl.
X
13/ v1—x <x.
14/ (x+1)(x—2)zx.

15/ (2—x) (x+1)>2(2—x).

Bai 4. Giai cédc bat phuong trinh sau

3(2x —7
1/ —2X+§>u.
5 3
5lx—1 2lx+1
y Sy, 2y
3
5/ 3X—|—1_X—2<1—2X'
2 3 4
7 89 2T o

9/ X+\/;<(2\/;+3)(\/;—1).

11/ \/(x—4)2(x+1) >0.

13/ Jx—-3>+3—-x.

(2x + 1)vx — 1 > x(2x + 1),

3x —5>7(x" +1).

2x —3 < x—4.

x+3<2,

(18 +x 2 (4x +8) < (18 +x 2 (1 - x).
(3x+1) <(x+3).

(x+5)(x-1)<o0.

x>1

x> >1

x>1

1—x <x°.

VX +1IVx—2 > x.

x+1>2.

y 3Bl L3
5 4
3lx—+1 _

4/ 2+( )<3—X L

6/ X+1_X+2<2+§'

2 3 6

8/ (x+2)3 2(}(—1)2—}—4.

10/ (x/:+3)(2 1—x—5)>ﬂ—3.

12/ \/(x+2)2(x—3) > 0.

14/ Nx—-1<34++Vx—-1.

"Céan cu bu thong minh............ "
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Ths. L& Van Poan Chuong 4. Bét déng thte va Bit phuong trinh

-9 4 (10—x) x—4

\/X—4§\/X—4. \/;

> 4.

)2 x—3

17/ (x—l)(x+1 > (. 18/

19/ (x—3)\/x—220. 20/ (4—x) 5-x<0.

@ DAu ciia nhi thire bic nhét f(x} = ax +b

a/ Str dung bang xét déu (trai trai — phai cing: voi hé s6 a)

X —xX —— +ox
a
s a 0 - O
t(\) =ax+Db A +
a<0 + 0 —
b/ St dung truc sb
b e —— —
) _;// f(x) =ax+b>0
e Néu a > 0 thi: - * ‘ > X
f(x)—a.x—l—b<ﬂ //
, f(x)=ax+b>0 \
® Néua <0 thi: \.-.\ - > X
_E\\ f(\)—a:i+})<0
o Mmoo

@ Bét phuwong trinh tich sb

— Dang: P(\)Q(x) >0 (l) Trong do: P(\) Q(\) 1a cac nhi thirc bac nhat.
— Phuong phap: Lép bang xét ddu P (x) Q (x) . Tt d6 suy ra tap nghi€m cua (l} .

® Bét phwong trinh chira 4n s6 & miu

— Dang: gi\)} >0 (2) Trong do: P(x) Q(x‘) 1a cac nhi thirc bac nhat.
'«X,‘ ' ) ’ ) ’
, P(x)
— Phuong phap: Lap bang xét dau Qt ) . Tt d6 suy ra tap nghiém cua ( 2)

x» Luu y: Khong nén qui dong va khir mau.
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@ Béat phuong trinh chira 4n trong du gia tri tuyét doi

— Tuong ty nhu giai phuong trinh chita an trong dau gia tri tuyét di, ta thuong sir dung dinh
nghia hodc tinh chat cua gia tri tuy¢t doi dé khur dau gia tri tuyét doi.

— Dang 1. ‘f(\)‘ <glx)e [fi(fx) >0

— Dang 2. |f(x)’ > g(\) =

= Luuy: Véi B > 0, taludn co ‘{‘<B¢> -B<A<B va‘ﬁ.l>B¢»

) <1(x) < o)

A<-B
A>B

y

BAI TAP AP DUNG
Bai 5. Lap bang xét ddu cua cac ham sb sau
1/ f(x) =x+1 2/
3/ f(x) =2-x 4/
5/ f(x)=3-3x 6/
7/ f(x):4m—1—(m2—2m+2)x 8/
9/ f(X):m3+m—3(m2—|—1)x 10/
_ ox — 3
11/ f(x) = (X - 3)(2X - 1) 12/
1 1
13/ f(X):X—l_XZ—l 14/
15/ f(x)=(3-7x)". 16/
17/ f(x)=(2x 7). 18/
19/ f(x)=(5x +2) . 20/
21/ f(x):(4x—1)(x—1). 22/
23/ f(x) = (2X + 5)(3x + 7) 24/

flx)= (4m +2m+1)x 3m
f{x :3x(3x—1).

x(x+1
="

f(x)=(2x—5) .

2

f(x) =—(3x+1) .

(3 % 2)7
()= x{s-39).

£(x) = (3x +7)(5 - 2x).

f(X):XS(X—3).

Page - 5 -




Ths. L& Van Poan Chuong 4. BAt déng thtc va Bat phuong trinh

25/ f(x)=x(2-7x) . 26/ f(x)=(x+1) (4—x)

271 £(x) = (xVB ~1)[\2 %] " 28 f(x)=(2—x) (2x +5)

290 1) (- alfx oz 30 ) (s )fox—
Wil no-n). s )= (- e

33/ f(x)=(4—x) (5x—2). 34/ f(x) = x*(2x - 3)

Bai 6. Giai céc bat phuong trinh sau

1/ (x+1)(x—1)(3x—6)>0. 2/ (2X—7)(4—5x)20.

3/ x“’—x—20>2(x—11). 4/ 3x(2X—|—7)(9—3X)20.

5/ 2 >0. 6/ =3 >0
x—3 2 —3x

7 -t <o g X 1
x—1 x—5H 2

o —=_>0. 1 XE3 g
X —X 2x —5

1 =2 oo 121 LX<y
x —4 X

13 2X=6 4. 1 X9 <
X+ 6 x—1

150 2=l 16/ 2=0%
x—3 Ix +1
2x —Hl{x+ 2 _

17/ I )>0. 199 X=3 . XF5
—4x + 3 x+1 X —2

199 ZX+3.2 20/ X054
3x+7 3 8x +3

oy X=3 1=2x g/ 3X=4 4
x+5 x—3 X —2
2

23 X < 201 X725
x —4 —4
(4x+3)2 3_9x

25/ —<0. 26/ >0
(2){—5) X
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2x — 5

2—x

27/

> —1.

29/

31/

(x-1)
(3x +1)(x — 3

33/ <0.

35/ <0.

37/

39/ <

41/

43/

45/

47/

49/ + 3—|—1<0.

2_
X 3x+24<
x> —3x+3

51/ 4.

53/ x*+8x*+17x+10<0.

28/

30/

32/

34/

36/

38/

40/

42/

44/

46/

48/

50/

52/

54/

2X—5<3x—|—2
3x+2 2x—5

-1 3
< .
x—2 3x-—-4

X+ 2 S X —2
3x+1 2x—1

2
X +3X—12_
2—x

(x+@%x+®
P
)

(x—1) (x +2

5

0.

v

4

v
o

XZ(X—7)
x* —6x"+11x—6>0.

X +6x°+11x+6>0.

2
55/ 2x* —5x’ —2x +2<0. 56/ (x* —2x—3) >(3x—3) .
2 p— J—
57/ 1< X X8 o sg) Xl o4 X Xy
X2—|—1 x—5H 5—x X2—25
Bai 7. Giai cdc hé bat phuong trinh sau
"Can cii bii thong minh............ " Page -7 -




Ths. L& Van Poan

Chuong 4. BAt déng thtc va Bat phuong trinh

1/

3/

5/

7/

9/

11/

13/

15/

17/

19/

21/

P,

g@x—$>5x—z

2(3x—|—1)2

15x — 8

8 —5>
.

é—12X§X—|—l
3 2

4x -3 2-—x
<
2 3

11—x

>2x—5
x—8°

2X—3<3X—|—1
4 5
B2 cg X
2 3
3X+1>2x47
4x +3>2x +19°

5 + 7

3
1—5x

>3—x

<3x+4

x+3<44+2x
hx —3 < 4x —1°

[5x —2 < 4x +5
X2 < (X —1—2)2

(1+X)2<X2—3X+5

X3—6X2—7X—5<(X—2)3'

2/

4/

6/

8/

10/

12/

14/

16/

18/

20/

22/

4x — 5

<x+3

3X+8>2x—5

E§X+é
3

2x—9 19+4x°
<
3 2

15X—2>2X+%

2(X—4)<3X_14

| 2

3x—1_3&—2)_1 5 —3x
4 8 2
4x -1 x—-—1 4-5x

3— > —

| 18 12 9

9x —12 > 4x + 15

H9—3x <74+5x

‘é;§3ﬂx+3)20.

x+1 x —4
>
1—2x 3—2X‘
2 <1
x4+ 1

Page - 8 -
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Bai 9.

x—1<2x-3
(x+1)(x+4)<0
5—3x
23/ 1 9 1 . 24/ | <x-3.
>
12x+1 x-—3 3x<x+5
2 _ 1 ‘5x—4‘<6
25/ {2x -1~ 3—x. 26/ 1 3 4
‘X‘<1 2
11-x x+1
zzx—l
4x* —1>0 X
27/ {x(x-2)<0 . 28/ 1= >4+x.
) x+1
2x" —bx+2<0 Xx+2 2-x
<
11-x x+1

Tim cdc nghiém nguyén cua cic h¢ bat phuong trinh sau

6x+g>4x+7 15x—2>2x+%

1/ . 2/ .
L 2(x —4) < 212
Giai cdc bat phuong trinh sau
1/ ‘4—3x‘§8. 2/ ‘2}(—{-1‘23.
3/ \zx—4\§x+12. 4/ \x—2\<x—1.
5/ ‘x—3‘<3x—|—15. 6/ \3x—2\>7.
7/ ‘5x—12‘<3. 8/ \1—4x\<2x+1.
9/ ‘2x—8‘§7. 10/ ‘3}(—1—15‘23.
11/ ‘X—1‘>X+1. 12/ \x\<é.
2 X
13/ \x—2\<§. 14/ \2x—5\§x+1.
2
15/ \2x+1\§x. 16/ \x—2\>x+1.
17/ =251, 187 2221
x—4 x—1
19/ |—2 |8, 20/ ‘X‘<2‘x—4‘—|—2.
x —13 9
21/ _1|2| 2 |. 22/ Hq.
X+2| |x—1| x+1

Page -9 -




Ths. L& Van Poan Chuong 4. Bét déng thte va Bit phuong trinh

X+2|—X |X+3|—|—X
23y 1 T 9, (I IS
X X +2
1—3x|—|2x—1|
25/ 26/ |x—1|+|—2x+6|zx—5.
4X—|X—|—1|
27/ ‘2x+\/5‘—|—‘x+\/§‘<—3x—2. 28/ |x—1|—|—|2x—4|—|4—x|<2.

@ Giai va bién luin bat phwong trinh bac nhit dang ax ~b < 0

Diéu kién Két qua tap nghiém
a>0 S =|—00 _E]
N
b }
a
, b=>0 S=o
a=20
b <0 S=E
coe  x L eA n % . / \/ ; . a.,.x—l—bl
@ Gidi va bién luin bat phwong trinh dang : (ax + b, )(azx + bQ) > hoac T >0
: : / a,Xx + b,
. bl b,
— Dbitx, =——:x, =——_Tinh x, —x,.
dl N 32 -

— Lap bang xét dau chung: a a,; x, —X,.

— Tir bang xét dau, ta chia bai toan thanh nhiéu truong hop. Trong mdi trudng hop ta xét dau
, : ax—+Db o, ,
cia {a,x + bl)(a,ﬂ + b?) hodc ——— nho qui tac dan dau.
: “ - a,x + ‘b,2

. , ot (x m) >0 ( l)
® Giai va bién ludn hé bat phwong trinh bic nhat chira tham so: ) e
g(x:m) >0 ( 2)

— Giai (1),(2) tim tdp nghi¢m S; S, twong tmg = Tap nghi¢m hg: 5=5 NS,.
— Hgconghigmkhi S=5 NS, = &

1D, =4,

f >a
— Hé c6 nghiém duy nhét khi hé ¢6 dang { ((\ m)) ;? < .
x;m)<b

— H¢ vo nghiémkhi S=5 1

w Luu y: Can ndm viing cac phép toan trén tap hop ¢ phan chuong 1.
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Pé cuong hoc tap mdén Todn 10 — Tap II Ths. L& Van Poan

BAI TAP AP DUNG

Bai 10, Tim tham s6 m dé bat phuong trinh sau ddy v6 nghiém

1/ m’x+4m -3 <x+m’. 2/ m2x—|—12m—|—(3m—2)x
3/ mx-—m’>mx—4. 4/ 3—mx<2(x—m)—(m—i—1)2.
Bai11. Giai va bién ludn cdc bat phuong trinh sau
1/ m(x—m)gx—l. 2/ mx+6>2x+3m.
3/ (m+1)x+m<3m+4. 4/ mx+1>m’+x.
5/ m(X_2)+X_m>x+1. 6/ 3—mx<2(x—m)—(m—i—1)2.
6 3 2
7/ mx —m’>2x—4. 8 x+4+2m >2+ mx.
9/ m’x—1<x+m. 10/ 2x +m® > mx + 3m — 2.
11/ m(x—2)§2mx—|—m—1. 12/ 25m* —x <m’x —5.
13/ 2(x —m)—(m+1) >3- mx. 14/ (m+1)(m —2)x <m® 4.
15/ (m —3m+2)x<m—1 16/ x +25m? > 5mx + 1.
17/ (m2+2m)x+8<4mx+m 18/ m(x+1)>1.
19/ (m +1)(mx —1) > 2. 20/ (m2—3m—|—2)( mx —1) <m’ — 1.
21/ (m2 3m+2)x<m—1 22/ x(x-m)<0.
23/ (x )(x+m) 0. 24/ (X—S)(Gm—12—x)§0.
25/ (2x—6)(x—m+1)>0. 26/ i
X +2m +1

27y X2Am g g XA g

2—-x 4-x
29/ (x+m)(x+1—m)>0. 30/ (2X—m)<x+2—m)§0.
31/ X g gy _XHAm

m+2+x 2x —m + 4
33/ m?(x —1) < m - dmx - 3x. gy 2X+tm-l_,

x+1

g5y xzmAl 36/ Vx—1(x—m+2)>0.

x—1

"Can cii bii thong minh............ " Page - 11 -
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Chuong 4. BAt déng thtc va Bat phuong trinh

Bai12. Giai va bién luan hé bat phuong trinh
2x+1<0 4x—-1>0
1/ . 2/ .
3x+1>m x+3m >0
gy |x-1)(e=x)>0 4/ (x—\/g)(\/?—x)zo.
x-—m+1<0 x-m-1<0
3 S 4 2 S )
5/ 1-x x+1. 6/ 1-x 1-—-2x.
x—m-—1>0 x—m-—1>0
X2 yx—3g x+1>0
7/ , ) 8/ 5 <0
(x—m+1) >(X—II1—1) mx
x—2<0 X+m>1
9/ . 10/ | .
(m+1)x—1>0 mx +2>m
Bai 13. Tim tham s6 m dé hé bat phuwong trinh sau c6 nghiém
y Ax —5 > —-3x+2 " 3x—2>—4x+5
|3x+2m+2<0 " |3x+m+2<0
1
4(x—=3)]+1<3(x—-3 2
3/ (x=3)+1<3( ) 4 1x11°°.
Xx+m>1 X—m<?2
1 2
>2 >1
5/ X+m 6/ m-—x
x—12>2 X§3
7 x—7<0 2x —1>0
‘mXZm—l—12' (Bm 2X—m>0
2x —1<x+2 3x+3 > 2x
9/ .10/
m(m+1)x—|—1>(m—2)x—l—3m—l—7 X—1<2m X—Qm)
x+m—1>0 mx —1>0
11/ . 12/
3m—2—-x>0 (Bm 2X—m>0
X +4m” <2mx + 1 Tx—2>—-4x+19
13/ 14/
3x+2>2x—-1 2x —3m+2<0
Bai 14. Tim tham s m dé hé bat phwong trinh sau v nghiém
Page - 12 - "All the flower of tomorrow are in the seeks of today...... "
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2x + 7 < 8k —1
1/

3/

|
e
3=
|

(X—]_ <0

7/ .
mx—|—1<2x—|—m

3x+5>x—-1
of A(x+2) <(x—1) +9
m2x—|—1>(3m—2)x+m

2 2
5 (x—3) >x> 4+ 7x+1
2m < 8 + 5x

4x+5>11—x

4/ ) .
m—mX>3(3—x)
x—7<0

6/ .
mx >m + 12
2x <1

8/ x—1
2X—m+2>0
1 1

<

10/ ix—1 x+2 .

X(X2—3m)<x2(m—3)

Bai 15. Tim tham s6 m dé bat phuwong trinh c6 tap nghiém la D cho trudc

1/ x+m>1

2/ 2x—m<3(x-1)

3/ mx—16>2(x—m’)

4/ a—x|(m’ +1)x—5m| >0
5 m’(x+2)<m’(x—1)

6/ m(x+mx) <1

7/ mw’(x—1) > 9x + 3m

8/ m2(x—1)<m—4mx—3x

c6 tap nghi¢m 1a D = [~2;+00).
¢6 tap nghi¢m Ta D = (4;+00).
c6 tap nghi¢m Ta D = [38;+00).

c6 tap nghiém 1a D = [2;4].

co tap nghiémla D =R.
co tap nghiémla D = &.
co tapnghiémla D = R.
cotapnghiémla D = &.

Bai 16, Tim tham s6 m dé bat phuong trinh théa Vx € D cho trudc

1/ x>m

2/ 2x4+m<2
3/ m’-x<1
4/ x—1>4m

5/ (m2 +1)x<4

¥x € D =0;2].
¥x €D =|-1;4].
¥x €D = (3;4).
vxeD = [—2;4].
vxeD= [—1;2].

"Can cii bii thong minh............
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Ths. L& Van Poan

Chuong 4. BAt déng thtc va Bat phuong trinh

6/

7/

8/

9/

10/

11/

12/

13/

14/

15/

16/

17/

18/

5x —m < 2
m—3x <2
3x—1<2(x+1)

x—2m <1

x—2m+1>0
(X—1)<X+3)<0

(2x—1)(x+4)>0

(m2+1)x—m(x—|—3)+1>0

mx—+2>x+m
2(m—1)x+m>0
(m—l—l)x—?)mgo

mx —3m+2>0

¥x €D = (0;4).

¥x €D = (31).

¥x €D = (m—14).
¥x €D =(-00;2—m).

VXGD:[m—l;Q—m].

VxeD=(m+1;2m—3).

VXED:[m;l—m).

VXED:(Qm—l;m+3].

vxeD= [—1;2].
¥x €D =0;2].
VxeD= (1;3).
¥xeD=|-12].

VxeD= (OH-OO).

Bai17. Tim tham s6 m dé hé bat phuong trinh sau c6 nghiém duy nhat

1/

3/

5/

7/

9/

x <m
2x+1>0"

e =0

X —2m > 2

( 2
(X—3) >x*4+Tx+1
2m < 8 + 5x '

x4 (m —1)(2m — 1) < (3m — 2)x

2x—m >0
2/ .
‘2(X—1)§3

4/ ‘(X—?)(X—Zl)go.
x<2m+1

o 1XTVS0
mx >m+ 12
—x+3

8/ |5 ; 2X
~m(x—l)22

o 2m(x+1)2x—|—3'
4dmx + 3 > 4x

Page - 14 -
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Pé cuong hoc tap moén Toan 10 — Tap II Ths. L& Van Poan

@ DAu ciia tam thire bic hai

flzl=az® + bz + ¢ [a = 0)
ST \ /
A <0 a.f {x) >0,¥xeR : f(\) cung diu véi a.
A=0 af{x) >0,¥xe Ry {— ; } : f(x) cting diu véi a.
. F “a /
aflx]<0,Vx € x X, : Trong trai.
ao | temeb)
a.f (\) > 0,Vx € (—;:sc-;xl) U (‘{y —l—x) : Ngoai cung.

@ Giai bat phwong trinh bac hai f(x) =ax’ +bx+c>0 {hay f(x) < O;f(x) < 0;f<x) > 0]
— Budc 1. Cho f(x) = 0 tim nghiém x; x, (néu co).

— Budc 2. Lap bang xét dau cua f(x) dua vao diu cta tam thirc bac hai.

— Budc 3. Tir bang xét du, suy ra tap nghiém cua bat phuong trinh.

] f(x]
® Giai bat phwong trinh bic hai dang: f (x)g (x) > () hoac ( ) > Hha,y <0 <0, > UH

glx)

— Budce 1. Tim di€u kién xac dinh D, néu co.

— Budc 2. Cho f{x) =0; g(x) = 0 tim nghiém x, (i =1+ n).
— Budc 3. Lap bang xét diu f(x); g(x) = Diu cua f(x)g(x) va %Kf;.
‘ ’ glx,

— Budc 4. Tirbang xét ddu = tap nghiém S;. Vay tip nghiém bét phuong trinh: S = D NS, .

f(ix):a.xz+bx+c>0 {1)

@ Giai hé bat phuwong trinh bac hai mét 4n dang: |\ . {
B e glx)=a'x’+b'x+¢'>0 (2)

— Budc 1. Gidi (1),(2) duoc tap nghiém twong ung 1a S, S, .

— Bu6c 2. Nghiémctahg¢la S=S NS, .

= Luuy
— Hai bét phuong trinh ( 1) va (2) duogc goi 1a trong duwong néu va chi néu
S, =5,.

— Can su dung thanh thao cac phép toan trén tap hop.

"Can cu bu thong minh............ " Page - 15 -




Ths. L& Van Poan Chuong 4. BAt déng thtc va Bat phuong trinh

BAI TAP AP DUNG

Bai 18. Lap bang xét ddu ciia cdc ham s6 sau

1/ f(x):X2—3x+2. 2/ f(x)=3x2—2x+1.
3/ f(x):—X2+4x+5. 4/ f(x):XZ—X—12.
5/ f(X):—2X2—|—5X—2. 6/ f(x):—4x2—|—12x—9.
7/ f(x)=2x2—6x+% 8/ f(x)zx2+x—|—1
9/ f(X):—2X2+7X—8. 10/ f(x):3x2—2x—8.
11/ f(x):—x2+2x—1. 12/ f(x):2x2—7x+5
13/ f(x):—3X2+2X—5. 14/ f(x):—x2—5x—6
15/ f(x):—SXZ—i—ZX—l. 16/ f(x)z—?xz—i—GX—g.
3 2

17/ f(x):2x2+\/5(1—\/5+\/6)x+\/5—\/8. 18/ f(x):—6X2+(2\/§+3\/§)X—\/E.

19/ £(x) = V3x* + 8v2x + 1632 20/ £(x)=(x+4 (x* +8x +11) +4.

21/ f(x) =[x = 5x)(x* = 5x +10) 424, 22/ f(x])=(4—2x)(x* — 5x +4).

23/ f(x)= (sx2 —10x + 3)(4X —5). 24/ f(x)= (3x2 - 4x) (2x2 —x— 1)
2 L2
25/ f(x)ZQXZ_X;?’. 26/ f(x):<3x 2X)(3 X)
4x — x 4x" +x—3
27/ f(x)szri— 1 - 28/ f(x)=mx"+(1-2m)x -2,
X — X" —

29/ f(x) :(m2 —i—l)x2 —2(m—1)x+4. 30/ f(x) = mx’ —(m2 —i—l)x—l—m.

Bai19. Giai cdc bat phuong trinh sau

1/ x"—4x+3>0. 2/ —2x"+5x—3>0.
3/ Tx*—4x—-3<0. 4/ —x"+6x—-9>0.
5/ 3’ +x+1>0. 6/ —x"+T7x—-10<0.
7/ 2x> +4x+3<0. 8/ 2x"—-5x+2<0.
9/ —5x" +4x +12<0. 10/ 16x° + 40x +25 > 0.
11/ —2x"+3x—7>0. 12/ 3x* —4x+4>0.
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Pé cuong hoc tap mdén Todn 10 — Tap II

Ths. L& Van Poan

13/ x*—x—-6<0.

4> +3x — 1
—_— >

15/ -
X +5x+7

0.
X' +4x 4+ 4
—_— <<

2x* —x—1

17/ 0.

- 12
X2 Tx + S
2x° +4x +5

19/ 0.

4 4.3 2
21/ X 4x° + 2x -0,
x> —x—30

2
X 120'
x*+1

23/

25/ 3x' —x* +4x* —x+3>0.

2 —
g7 X A5
x+1

2
29/ — X1 g
x> +3x—10

Bai 20. Giai cic bat phuong trinh sau

o X2l
x> +3
_ 2
3 428X .
X 4+x+1
5 X2 __1
<t 41 2
7/ X+12<1.
(x=1)
9/ x< 6 .
X—5
11/ 14x 9X—30‘
x+1 x—4
13/ 1 + ! l
x—2 x—1 x
15/ 1 —lg 2
Xx—2 X x+2

14/

16/

18/

20/

22/

24/

26/

28/

30/

2/

4/

6/

8/

10/

12/

14/

16/

x?—8x+15

XX +6x—7

—3x*—x+4
_— >

; 0.
X" 4+3x+5

5x® 4+ 3x — 8

< 0.
XX —Tx+6

4 2
X+X+1<

0.
x —4x—5 "

(2—X2)(X2 —2X—|—1)
—x>+3x+4

>0.

X’ +6x—7
x+7

<0.

2
X —7X—|—10§0
—x*4+6x—9
(1—2X)(X2—|—X—30)<0.
2
X —3X—4<O

1-2x

x> —3x+2
_ >

0.
x> —4x +3

X_1§5+X.
x+1

<t 41

x—1
x+1

< .
x+2 x-—3

2(x —4) o1
(x—1)(x—-7) " x—2’

1 2 3
+ < .
x+1 x4+3 x+4+2
x—l_x+1<2'
X x—1
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Ths. L& Van Poan

Chuong 4. BAt déng thtc va Bat phuong trinh

oy 29 )

(cr2)xta)(xi7)
19/ (x2 —2x)(2x—2)—% <

0.

o U2

(x+1)(x+2)(x+3)
20/ (x2 +3X)(2x+3>—%2 0.

Bai21. Giai cdc bat phuong trinh sau
1/ x'—-5x"+4<0. 2/ x'—=2x*—63<0.
3/ x'-3x*4+2>0. 4/ x°®4+19x* —216>0.
5/ (X2+3x+1)(x2+3x—3)25. 6/ (XZ—X—1)(X2—X—7)<—5.
7 x4 (x 1) € 8 14+2<L.
XX +x+1 X X
9 —+ L 10/ \3x\—1<2.
EEChE x
Bai22. Giai cc hé bat phuong trinh sau
x—2>0 x +x+5<0
1/ , : 21, :
—3x" 4+ 6x+9 <0 X —6x+1>0
3x° +8x—3<0 5x° +7x—6>0
3/ ) . 4 4, .
—6x" +17x—7>0 x" —13x+6>0
(x=1)(2x=3)>0 x> —4x+3<0
5/ . 6/ ) .
x—1>0 X" —6x+8<0
9% —Tx —4 <0 - x—3-+/3>0
7/ ) . 8/ .
2%? —15x 422> 0 X —2x—2—%2 >0
. 2x2—(2\/§—1)x+J§—1g0 L |2 eSO
5% —8x +3<0 ' X +x-6<0
2x° +x—6>0 —2x* —bx+4<0
11/ ) . 12/ ) .
3x*—10x+3>0 —x" —3x+10>0
—x*4+4x—-7<0 X +x+5<0
13/ ) 14/ ) .
x°—2x—1>0 X" —6x+1>0
x*—4x—5>0 x*—2x+1>0
15/ ) . 16/ ) .
X +x—-20<0 —x +2x+3>0
Page - 18 - "All the flower of tomorrow are in the seeks of today...... "




Pé cuong hoc tap mdén Todn 10 — Tap II Ths. L& Van Poan

4x° —|—4x+1<0 2x* +9x 4+ 7>0
. 18/ | .
3x? — (9 — X—3\/_<0 (X2+X—6)(X2—2X—|—2)<0
4x* —5x—6 <0 x> —4x+3>0
19/ . 20/ , .
1—x (4x —12x+5)>0 (2x—1) <4x(x+1)
Xx+5 <4x +2 2 _ _
21/ ) . 22/ 4 X T2XT
2x—1)(x+3)>4x x> +1
2_ o 2_ _
23 L X T2X—2 24y 10X Z3x—2
137 x> —b5x+7 x> +3x—-2
2_ 2_ o
25/ 1< X TTXE8 o 26/ _3< X 3%l o
x2+1 x?+x+1
XX —x—2>2 X 4+4x+3>0
27/ 12x* —11x+9<0 . 28/ {2x* —x-10<0.
X —x*4+2x—-2>0 2% —5x+3>0
(3
1—2x <0 X' —4x >0
29/ 13x -2 30/ | 4xal o
MX +X_6<0 x> —2x —3
3x? —4x — 11 4 [ 1 p) _2x+3
31/ { x*’—x—6 32/ {ix+1 x*—x+1" x*+1.
(3- zx)(x —4x+3)>o (2x+3)(4x—2) > 0

"Can cii bii thong minh............ " Page - 19 -




Ths. L& Van Poan Chuong 4. Bét déng thte va Bit phuong trinh

....... i .. .'.A.'.A.'.A.'.A.'.A-'-‘-‘.A.‘.ﬂ.‘.ﬂ.‘.ﬂ.‘.ﬂ.‘.ﬂ.‘.‘.‘.‘.‘.‘.‘.‘.‘.‘.‘.u.’.~.’.‘.’.‘.’.‘.’.‘.’.‘.’.‘.’.‘.’.’.'.’.v.'.'.‘.‘.‘.4.‘.4.“.4;6{‘;]

® Phuong trinh — Bit phwong trinh chira 4n trong diu gia tri tuyét dbi
— Dé giai phuong trinh, bat phuong trinh chira an trong dau gia tri tuyét d6i, ta thuong sir dung
dinh nghia hodc tinh chit cta gia tri tuyét ddi dé khir dau gi tri tuyét doi.
— Xem lai cach giai phuong trinh tri tuyét d6i (Chuong 3. Phuong trinh va hé phuong trinh).
g(}x) <0
f(:\:)
a/ Dang 1. |f (k)‘ > g(*{) & g(x) >0
£(x) < —g(x)
‘_f (x) > g(x)
AN o g \) >0
b/Dan2.fx<0‘X¢>b(: F
—anes ‘ ( >’ b( } —g(“»: <f{\x)<g;(x:)
c/ Dang 3. ‘f(k) >‘g ‘@ f ) g(\)}lf(\)-l—g(}\)} >0
w Luuy
+ Al=AeAazo0. ¢ |Al=-A=Ac<0.
. A<-B
> V6iB>0,tacod: |A|<B& B<A<Bva|A‘>B<:>& B
K
¢+ [A+B|=[A|+|B| = AB>0. ¢ |A-B=[A|~[B < AB<0.
@ Phuong trinh — Bit phwong trinh chira 4n trong diu ciin
— Dé giai phuong trinh, bat Jphuong trinh chira an trong diu cin ta thuong ding phép nang luy thira
hodc dat an phu dé khir dau can.
— Xem lai cach giai phuong trinh c6 déu can (Chuong 3. Phuong trinh va h¢ phuong trinh).
) > el = Jz0 S
a/ Dang 1. *{) | = Luuy: DOiv6i cac phuong trinh, bat |
i phuong trinh, khong c6 dang !
N } chuén nhu li thuyét, ta thyc l
f (X} >0 { hié |
RN A | en: :
b/ Dang2. ff(x) < g(x) = g(x) >0 i < Budc 1. Dat diéu ki¢n cho can c6 nghia. |
5 | . ‘ Lo
¢ (\} _ {g (Xw E < Budc 2. ChilyénA vé sao cho 2 vé déu i
v } khong am. !
0 | <> Bu6c 3. Binh phuong 2 vé dé khir can. |
{ f(x)>0 e !
' g{\) <0
¢/ Dang3. [fix]>glx|< [ [\
RPN ;72
! f(.x) > [g(x”
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Pé cuong hoc tap mdén Todn 10 — Tap II

Ths. L& Van Poan

BAI TAP AP DUNG
Giai céc bat phuong trinh sau
1 Jx-1>1. 2/
3/ Ax+2>3. 4/
5/ Jx—2<x—4. 6/
71 2x—1<x. 8/

9/ 2x> +x+6 §2(x+2).
11/ 2Jx* +x—2 <1+ 2x.

13/ \/X—|—2§\/3X2—X—|—1.

15/ \/XQ—X—Q S\/—X2—|—2X—|—3.

Giai cdc bat phuong trinh sau

1/ ~Nx—1>x-—3.
3/ x—+3—2x<0.

5/ Jx+1<2x—1.

71 J-3x+2+1<x.
9/ 2x—5-x+1<0.
11/ x+V8—x" >4.

13/ NJx* —4x+3 <x+1.
15/ x> +x—6>x+2.
17/ N—x+7x—6 <3 +2x.
19/ /3x* +13 +2x < 1.
21/ x*+6x—3 <x+1.
23/ 2x +ix —1>0.
25/ VxP—x—-12 <7 —x.
27/ Jx* —3x—10 <x—2.

29/ 3x> +13x4+4+2-x<0.

31/ V2x*—6x—204+2—x>0.

10/

12/

14/

16/

2/

4/

6/

8/

10/

12/

14/

16/

18/

20/

22/

24/

26/

28/

30/

32/

V2x —1>2.
Vvx —3 <1.
V2x +1>1-3x.

VOx —2 >x+4.
VP —x+2>x-3.

\/X2—1 2\/2X2+2X.

Vax —1>4x+3.

Vax? =3 >2x* —2x +1.

x<m.
\/5——X§2X—7.

x —2vx —3 <3.

J7x 11+ x+1>0.
Vx® —2x > x +1.

Vx® —4x >x—3.

VX' —3x +2 <2x —1.
V2x® —3x -5 <x—1.
J—x?46x—5>8—2x.
VX' —4x +5 +2x > 3.
V2x* —6x+1—x+2>0.
V3x — 5x” <5x—2.
1—x+42x* —3x—5<0.

3 —X2—|—X—|—6>2(1—2X).

W3x + x> <2x —1.
Vx? —2x —15 <x — 3.

"Can cii bii thong minh............
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Ths. L& Van Poan Chuong 4. BAt déng thtc va Bat phuong trinh

33/ X+2§‘x‘. 34/ Jx®+x—6<x—1.

35/ f2x —1<2x—3. 36/ x* +8x <2(x+1).

37/ \x* +9x >x+4. 38/ \2x*—1>1-x.

39/ Vx’ —4x—-12>x—4. 40/ mZQX—l.
Bai 25. Giai cac phuong trinh sau

1/ x'—4x>+3=0. 2/ —x'+10x* —9=0.

3/ x'-3x"-4=0. 4/ x'—x"-12=0.

5/ x'—x+3=0. 6/ (1-x)(1+x°)+3=0.

7/ A3x—2=2x1. 8/ 2x—3=x-3.

9/ N4—6x—x"=4+x. 10/ +/5x +10 =8 — x.

11/ x—2x—5=4. 12/ \3x* —9x+1=x—-2.

13/ \3x" —9x +1 =[x —2|. 14/ x2—3x—2‘:2(x—1).

15/ \3x+7 —Jx+1=2. 16/ \x* +2x+4=+2—x.

17/ 249 -2 —7=2. 18/ Jx*—3x+2=x"—3x—4.

19/ x* —6x +9 = 4y/x* — 6x +6. 20/ Vx®—3x+3+x*—3x+6=3.

21/ 3+x+\/6—x:,/(3+x)(6—x)+3. 22/ (x+1)(x+4)—3 x> +5x+2=6.
27/ \/X4—3—4\/x—1 +\/x+8—6\/x—1:1. 28/ (x+1)(x+2) =x’+3x—4.

20/ Nx—242x—5 +x+2+32x—5 = 2.
30/ \/x+5—4xlx+1+\/x+2—2xlx—l—1:1.
31/ \/2X—2 2x — 1 —2\/2X-|—3—4\/2X—1 +3\/2X+8—6\/2X—1 =4.

32/ \/”XZ + 4356 X [ 14356 — x* = 5.
X

V214 x +421-x 21

33/ ——— 34/ Yx+5+3x+6=32x+11.
V2l4x—+21—x X

35/ Yx+1+Y3x+1=3x—1. 36/ 1+x +31—Vx =2.

37/ Yx+1+¥x+2+Y¥x+3=0. 38/ V2x*—1>1—x.
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Ths. L& Van Poan

Bai 26.

Bai 27.

Bai 28.

39/ x?—4x —12 =x — 4.

41/ Ysx+7 —Ysx —13 =1.

43/ {24 +vx 5 +4x =1.

Giai céc bat phuong trinh sau

1/ —“1_X+12
X
2
3/ ﬁ<3,
X
_ 2
5/ 2 +4/—3x +X+4<2‘
X
3
7/ X +8>X—2.
(X 3)\/){ —4<x*—9.
11/ (x+2)\/x —3x—4<x*—4.

-4 >2x +1.
Gidi c4c phuong trinh sau

x> =2

x—1

1/ =2.

3/ X2—8x+12‘:x2—8x+12.
5/ X2—1‘:X2—2x+8.
7/ X2—1‘+‘x‘:1.

9/ X2—2x+3‘:‘x+1‘.

11/ x2—4‘+2x:\x+2\+1.

13/ Jx43—dx—1+yx+8—6x—1 =1.

14/ ‘242\;4—1—1‘:3.

Giai céc bat phuong trinh sau

‘4—3X‘§8.

40/

42/

44/

2/

4/

6/

8/

10/

12/

14/

2/

4/

6/

8/

10/

12/

14/

16/

3xE 4 5x+8 —\3x> +5x+1=1.
%/9—\lx+1 +§’/7+\lx+1 =4.

Y47 —2x + 435 +2x = 4.

1—-+8x—3
—— >4,
4x
2
J=3x fl6x -5 _,
x—1
1—v21—4x—x> 1
<=
x+4 2
\/6+X—X2>\/6+X—X2
2x +5 x+4 .

(2x+1)\/x—|—1 <4x> —1.
\/2){—1—1—\/){—8 > 3.

X—«,1—|X < 0.

X2—5X+4‘IX—|—4.

X2—5X+4‘:X2—|—6X+5.

2x2—‘5x—2‘:().

2 - 3% —[6 - x*| = 0.
2x|— x— 3 =3.
 —14[x+1)

Hx-2)
x4 Tx — 49 4 x —14x —49 =14
‘x+ 1- x| = 2 (25 ~1).

\2x—4\§x+12.
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3/\4<§.
5/ x2—2x‘<x.

7 ﬁ—34+x—2<0

9/ —f—x—Q§2x+5

x> —4
11/ <1.
x* +x+2
13/ x—d>xﬂﬁx+%

1y\x—ﬂ—k+Q<2.
17/ k—j>3x+w.

19/

x2—2x—8‘>2x.
2uh-@>k+L

23/

2y\x—Q+k+ﬂ<3.

27/

X2—1‘—2X<0.
29/ £—7x+12>k—4y

31/

4x* —3X‘ <1.

33/

ﬁ—ax—j—2>px—w

35/

37/

Bai 29. Giii cic bat phuong trinh sau

X2+3X+2‘+X2+2X20.

4/

6/

8/

10/

12/

14/

16/

18/

20/

22/

24/

26/

28/

30/

32/

34/

36/

38/

40/

42/

X2—4X‘<5.
x!—2x 3 < 3x 3.
X2—4‘—|—2X<4.

x* —bx+4

<1.
x> —4

XZ—X‘S

X2—1‘.

X2—|—4X—|—3‘>

X2—4X—5‘.
[3x —2| > 7.
2X2—‘5X—3‘<0.

x> =2x—3

<3x-—3.
3@—4+ﬁ—7>0

X—8>

X2+3X—4‘.
2‘x—3‘—‘3x+1‘§x+5.

XQ—‘5X—3‘—X<2.

X3—1‘21—X.

k—d>

x2—5x+9‘.
ﬂx+Q<h—ﬂ+3x+L

2x —1

x—1

> 2.

‘2}(—_?)5‘+1>0.
x —

x° 4+ 3x +2

>1.
x> —3x+2

l2x — 1 1
X2—3X—4<§'
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Bai 30.

X—l‘
1/ <1
X+ 2
X+ﬂ+x
3/ >1
X+ 2
x-3
5/ >2
x> —hx+6
5 @x—3ﬂﬂx—ﬂ+2)<o‘

k—ﬂ—Q

9/ ‘X—2‘+2‘X+1‘§X2.

1u‘k+Jﬂ+P+Jﬂ<—w—2.

1y(k—q—3mx+4—®<o.

15/

X2—2X—3‘<3X—3.
17/ &?—k—j>9x—z

1w\x+dg

x2—|—6x—7‘.

2u\x—Q+pX—4—bx+ﬂz3.

x* —bx +4

23/
x’ —4

<1.

X —|—2X‘—|—3
25/ >1.

X2+‘X—2‘ N

Giai cdc bat phuong trinh

1/ V1—x++V4+x<3.

3/ 22 —x—+10—x <2.
5/ \/X+2—\/X+1§\/;.

7/ \/X+3—\/X—1<\/X—2.

9/ \/X+3—\/X—1<\/X—2.

1/ AJx+11>vx—4 +/2x —1.

2/ <2
X
4/ 21 >3
X 4+x—2"
px—q 1
of (X+1)(X—2) SE'
[1—3x|—[2x -1
8/ >1
4X—‘X+1

10/ |x =1 +|-2x + 6] > x—5.
12/ k—ﬂ+px—4—h—4<2.

-1 +3
‘5—X‘—|—X

14/ <4.

16/ ﬁ—bx—j—x<z

1&\x—4+7x2£+4z

20/ f+3x—4—ﬂx+j+2>a
4X2—1‘ ,
22/ —<x"+x—1
2x —
X—|—2‘—|—‘X‘
24/ - <2
‘X—3‘—|—X
Xz—‘X‘—G
26/ X.

2 AJx+2-Vx—6>2.

4 P49 - 47>2.
6/ \2x+1<2/x —Jx—3

8/ Jx+3-T—x>+2x—38.

10/ x+2 —~2x -3 <4x—7.

12/ Jx+3+42-x>3.

"Can cii bii thong minh............ "
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13/ Jx+4—5—4x >1.

15/ \2x+3 —/x+1>1,

177 1—x +J4+x >3.

19/ 3x+7 —1+x>2.

Giai cdc bat phuong trinh sau

1/ A5x*+10x+1>7—-2x—x".
3 J(4+x)(6—x) <x*—2x 12
5/ 1/x(x—i—i’w) < —x*—3x+6.

7/ xF 4+ 2x > —2x> —4x + 3.

9/ 2.,/3X_1z X 4.
3x—1
11/ 2X_1+1+,/
2x — 1 2X—1
13/ 31/ I Sl 2 St

15/ 5% +—— <2x+—+4
ox

—

Giai céc bat phuong trinh sau (nhén lién hiép)

1 4(x+1) < (2x +10)(1—\/3+2x)2.

2
3/ X x4

(3 o+ 2X)

(3X + 2)2

(\/4x+1+\/x—1)

5/

5 <x+4+2.

7/ (\/X+4 +x/x+5)(\/x—1—\/x—4)>3.

9/ LZZL(?)X—Q).

(\/4X +1-— 1)2

14/ V2x—14+V5—x >3J2—x.

16/ V1—x +4+x>1.

18/ Jx+4—-2x—6<1.

20/ V5—x* +5x° —1> 4x.

2/

x+1)(x—|—4)<5\/x2+5x+28.

4/ -4 (4—X)(X—|—2)§X2—2X—12.

—

6/ X+1)(X+2)<X +3x—4

1

8/ - 2.
x+1

6X—1

10/

X—l

12/ 2.\/ X —\/X_1<2(X_1)+3.
x—1 X

X

14/ ,/ x +5.1/3_2X>12_8X+5.
3 —2x X X

16— > g

\/1—}(Z

2

2 x—d<— .
(1—|— 1—|—X)
2
4/ L2>2x+1.
(\/1+3X—1)
2
6/ 25x > x.

(\/6x—|—3 +\/X+3)2
8/ (\/x+1—\/x—2)(\/x+6 +Jx—3)<3.

2
10/ ox _ <4x+5.

(\/5X—1—\/2X—1)
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11/

13/

15/

17/

19/

21/

(x+ 2)2

(\/3x+1—\/2x—1)2
Vxt8(Vx+3 x| 2 3.

\/X—Q(\/3X—5—\/2X+3)§X—8.

<x+438.

\/2X—8(x/X—i-3+\/7—x)>2x—4.

\/5x—1(\/3x—2 +\/2x—3)>1+x.

\/3X—5(\/X4—2 +\/2X—3)<5—X.

23/ (\/3x+6 +\/3X—3)(\/3x+1—\/3x—2) <3.

Bai 33.

1/

3/

5/

7/

9/

11/
13/
14/

15/

Giai céc bat phuong trinh sau

J2(x* —16) —_—
T _ﬁ>—m.
(x2 —3x)\/2x2 —3x-2>0.

2
x—1+x—32\/2(x—3) +2x—2.

x* 48
x

>x—2.

\/x+1+\/3—x+ (x—l)(?)—x) <2.

\/1—X—\/X2+1<X.

12/

14/

16/

18/

20/

22/

24/

2/

4/

6/

8/

10/

V3 +5x 4+ 7 -3 +5x+2 > 1.

\/X—l(\/x—3—\/8—x)22x—11.
\/2x—3(\/x—1—\/x—2)§1.
\/x+3(\/2x—8—\/7—x)>3(x—5).

\/2X—4(\/5X—1+\/X—1)<4X.

\/1—2X(\/X+4+\/1—X)<2X+3.

(\/X+12 +\/X—6)(\/X+2 —\/X—4) >6.

\/6—|—X—X2 >\/—X2—|—X—|—6

2x +5 x+4
B—_XZw/x—Q—f—Q,
INx —2 —x

xS <o 7

2\/; 2x

2
X

x/x+1+\/x—1§2—z.

X(X—|—4)\/—X2 + 4x +(X—2)2 < 2.

12/ \/X2+2x+\/x2—xzx/x2—|—7x.

J —3x 42 44X —4x+3 <x—dx—4.

Jx? — 8x +15 +x? 4 2x — 15 < y/4x — 18x + 18 .

J7x + 7 +J7x — 6 + 2449x% + 7x — 42 < 181 — 14x.
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eBEu' tip qua cac ki thi

Bii34. Cao ding Ban Cong Hoa Sen khéi D nim 2006

Giai BPT: Vx> —4x >x—3. DS: xe(—oo;o)u %H—OO .
Bii35. Cao ding Ky Thuat Y Té I niam 2006

Giai BPT: vx®> —4x+5 +2x > 3. PS: x € —oo;%].
Bii36. Cao ding Kinh Té — Cong Nghé Tp. Ho Chi Minh khéi A nim 2006

Giai BPT: vx*> —4x+3 <x+1. bS: x e é;l U[S;—Foo).
Bii37. Cao ding Sw Pham Pién Bién khéi A, B nim 2005

Giai BPT: =X 1o pS: x |03,

X 4

Bai 38. Cao ding Piéu Duong — Hé chinh quy nim 2004

Giai BPT: vx +11>+x -4 ++/2x —1. BS: x €[45].

Bii39. Hé Cao ding khéi T, M niim 2004 truwong Pai hoc Hing Vwong
Giai BPT: vx> +x—6 >x+2. DS: xe(—oo;—?)}.

Bii40. Cao ding Tai Chinh — Quan Tri Kinh Doanh khoi A nim 2006

Giai BPT: Vx+3 —v2—x >1. ps:
Bii41l. Cao ding Sw Pham Vinh Phic khéi D, M, T niam 2006

Giai BPT: vx—1>x—3. ps:
Bai42. Cao ding Sw Pham Tp. Ho Chi Minh khdi A nim 2006

P 4+ 2x 45 <4y2x” +4x + 3. pS:
Bai43.  Cao ding Sw Pham Yén Bii khéi B, D;, M nim 2006

Giai BPT: 2x —2 —+x—1>0. ps:
Bii44. Cao ding Sw Pham Lo Cai khéi A nim 2006

Gidi BPT: v5—2x —v2—x >2x+5. ps:
Cao ding Giao Thong Van Tai nim 2006

o
=
S
(@2l

Giai BPT: \/X2—4x+3—J2x2—3x+12x—1. pS:
Bii46. Cao ding Sw Pham Cin Tho khéi A nim 2006

Giai BPT: J(x +5)(3x +4) > 4(x —1). ps:
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Bai 47.

Cao ding Kinh Té K¢ Thuit Thai Binh nim 2004
Giai BPT: 2(x2—1)§x+1. pS: x=-1vxe(L3).

Cao ding Suw Pham Tp. H6 Chi Minh nim 1998

2

Giai BPT: \/1+x+\/1—xg2—xz. ps: xe[-11].

Cao ding Hai Quan nim 1999 — H¢ phan ban

Gidi BPT: Vx® —3x 42 +4x’ —4x+3>2Jx> —5x+4.PS: x =1Vx > 4.
Cao ding A, B - 2009

Giai BPT: /x +1+2Vx —2 <+/5x +1 PS: 2<x<3.
Cao ding Su Pham Nha Tré Miu Gido TWI nim 2000

Giai BPT: (x2 +x— 2)\/2}(2 ~1<0. pS:
Cao ding Nong Lam 2000
Giai BPT: —4 (4—x)(2+x) <x?-92x 8. ps:

Cao ding Su Pham Kinh Té nim 2002

Gidi BPT: Vx+6 >+x+1++2x—5. ps:
Cao ding Giao Thong Van Tai nim 2005

Giai BPT: yx*+2x—15 <x—2. PbS:

Cao ding Suw Pham Vinh Long khéi A, B nim 2005

Gidi BPT: —x*4+6x—5 > 8 — 2x. PS: 3<x<5.

Pai hoc Dan Lap Phuong Pong khodi A nim 2000

Giai BPT: 2x* +4x+3V3—2x — x> > 1. bs: xe[—3;1].
Pai hoc Dan Lap Duy Tan khéi D nim 2000
Giai BPT:
2 JR—
y X =3xF2 ps:
x? 4 3x +2

2 x4+1> /2(x2—1). pS:

Pai hoc Dan Lap Ky Thuit Cong Nghé Tp. Ho Chi Minh (Hutech) nim2000

Gidi BPT: yx +6 > yx +1++2x—5. DS:
Hoc Vién Chinh Tri Qudc Gia - Phan Vién Bao Chi Tuyén Truyén nim 2000

Giai BPT: x + /x> +4x > 1. pS:

Hoc Vién Ngan Hang Tp. H6 Chi Minh niam 2000
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Giai BPT: x(x —4)—x* +4x +(x —2) <2. PS: x € (2 324 \/5)
Bai 61 Pai hoc Biach Khoa Tp. Ho Chi Minh nim 2000
Gidi BPT: vx’ +3x+2 + x> 4+ 6x+5 <2x’ +9x +7 .
Bai 62. Pai hoc Thai Nguyén niam 2000
3 1 O<x<4— ﬂ
Giai BPT: 3\/;+T<2x—|—2——7. ps: 2
2Vx X x >4+ T !
2
Bai 63 Pai hoc Thiy Lgi nam 2000
Gidi BPT: 4vx + 2 < 2x + — + 2. ps:
\/; 2x
Bii 64.  Pai hoc Ngoai Thwong khéi D nim 2000
Giai BPT: vJx +3 — /7 —x >+2x - 8. DS: x € [-4;5)U(6:7]:
Bai 65 Pai hoc Thiy L¢i Ha N§i — Pai hoc Thing Long nam 2000
Giai BPT: v/x +2 — /3 — x <~/5—2x. ps:
Bii66.  Dai hoc Bach Khoa Ha Ngi khéi D niim 2000
Gidi BPT: vx% +3x +2 + x4 6x +5 < 2% +9x + 7 .
Bai 67. Pai hoc Dwoc Ha Noi nam 2000
Gidi BPT: \x? — 8x +15 + x4+ 2x — 15 </4x’ —18x+18. DS: x <0 V x> 5.
Bai 68 Hoc Vién Quan H¢ Quédc Té nim 2000
Gidi BPT: (x +1)(x +4) < 5" +5x 4 28. BS: x € (-94).
Bai 69 Pai hoc Anh Ninh khéi A nim 2000
Gidi BPT: \7x + 7 +\7x — 6 + 2J49x* + 7x — 42 < 181 — 14x.
HD: t:\/7x+7+\/7x—620 ...... =. DSZ%§X<6.
Bii70. Pai hoc M6 - Pia Chat Ha Noi nim 2000
Giai BPT: [(x +1)(4 - x) > x - 2. bS: x € —1;%].
Bii71.  Pai hoc Dan Liap Hong Bang nim 1999
Giai BPT: vx +3 —vx—1>+2x—1 ps: 1§x§%
Bai 72. Pai hoc Dan Lap Ky Thuit Cong Nghé (HuTech) khoi A, B nim 1999
Giai BPT: \2x +3 >x—2. ps: XE—%;3—|—2\/5.
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Bai 73. Pai hoc Dan Lap Ky Thuit Cong Nghé¢ (HuTech) khéi D nim 1999

Gidi BPT: v2x—-1<8—x. bS: x €

Bii74.  DPai hoc Mé Ha N¢i khéi A, B, R, V va D4 nim 1999

Giai BPT: X_1—21/X_1z3. BS: xe|——:0].
X X 12

Bai75. Dai hoc Thily Sin nim 1999

Gidi BPT: yJx+2 —vx—1>+/2x—3. DS: x ¢

Bii76.  Pai hoc Hué khéi D, R hé chwa phan ban nim 1999

\/6+X—X2 >\/6+X—x2
2x +5 o x+4 '

Bii77. Dai hoc Hué khéi D, R, T hé phan ban nim 1999

Giai BPT:

bs: xe[—z;—l]sz?,.

\/12+X—X2 S \/12+X—X2
x—-11 = 2x-9
Bii78.  Dai hoc Tai Chinh Ké Toan Tp. H6 Chi Minh nim 1999

Giai BPT:

bS: XE[—2;4]\/X:—3.

Giai BPT: v2x -1 <8 —x. bS:
Bai 79. Pai hoc An Ninh Ha N¢i khéi D nim 1999

Gidi BPT: /5x — 1 —/4x —1 < 3vx. pS: x € i;%—oo .

Bii80. Pai hoc Mé — Pia Chit nim 1999

2
Giai BPT: — 2 < x 191, PS: x € —9;3]\{0}.
(3— 9+2X)

Bai81.  Hoc Vién Ngan Hang nam 1999

Gidi BPT: yx +2vx — 1 +x — 2 x—1>% DS: xe[1;+oo).

Bai82.  Dai hoc Bach Khoa Ha N¢i nam 1999

Giai BPT: vx+1>3—+x+4. bS: x> 0.
Bii83.  Pai hoc Quéc Gia Tp. H6 Chi Minh dot I khdi D — Hoc Vién Ngan Hang nim 1999

Gidi BPT: x(x —4)y—x* +4x + (x —2) <2. pS: XE(Q—\/g; 2+\/§).

Bii84.  Dé thi chuyén Toan — Tin Pai hoc Qudc Gia Ha Ngi nim 1988
el wne P L
Giai BPT: Vx'+x +1+ x(xQ—x+1)§ — bS: x> 0.
X
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Bai 85. Pai hoc Giao Thong Van Tii Tp. H6 Chi Minh nim 1998
Giai BPT: 43x> +6x+4 <2—2x —x° bS: -2 <x<0.
Bai 86 Pai hoc Nong Nghiép nam 1998
o o 2
Giai BPT: L= V1 =4X o ps: —L<x<d
X 2 2
Bai 87 Pai hoc Luat nam 1998
Giai BPT: vx' —2x> +1>1—x. BS: (—o00;—2) U (0;+00) \ {1}.
B3i88.  Pai hoc Tai Chinh Ké Toin nim 1998
2
Giai BPT: Y21 =2X=X pS:
1—x
Bai 89 Pai hoc Xay Dung nam 1998
_ 2
Giai BpT: Y=3X FxFAF2 o pS:
X
Bai 90 Pai hoc Ngoai Ngir nam 1998
_ [ _ 2
Gidi BPT; LV =4 3 bs: [-—;=[\ {o}.
X 22
Bai 91 Pai hoc Sw Pham Tp. H6 Chi Minh nim 1998
Giai BPT: Y2 X TAXT3 o pS:
X
Bai 92 Pai hoc An Ninh nam 1998
Gidi BPT: VX’ +x—2+vx’ +2x—3 <X’ +4x 5. BS:
Bai 93 Dai hoc Sw Pham Qui Nhon nam 1998
2 —_—
Giai BPT: 9X—4§3x—2 bs: —3;—i U i,é.
VEx® —1 37 J5) W52
Bai 94 Pai hoc A - 2005
Giai BPT: vVhx—1—x—1>+2x—4. pS: 2 <x <10
Bai 95 Pai hoc A - 2004
2(x* —16 _
Giai BPT: ¥+ 3> X PS: x >10—+/34.
Vx —3 x—3
Bai 96 Pai hoc D - 2002
Giai BPT: (x* — 3x)V2x" = 3x =2 >0 . DS: xg—% hodc x > 3.
Bai 97 Pai hoc Ngoai Thuwong nam 2001
Giai BPT: y14+x —+V1—x >x. HD: Liénhi¢gp 0<x<1.
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Bai 98.

Bai 102.

Bai 110.

Pai hoc Dan Lap Phwong Pong nam 2001

Giai BPT: V7x — 13 —/3x — 9 < +/5x — 27 ps: 299+5— “926304gx§23.
Pai hoc Y Ha Noi nam 2001
5+ /53
X>—
Giai BPT: 2x* + Vx> —5x—6 > 10x 4+ 15 bs: 2 .
553
X< —-
2
Pai hoc Y Dwogce Tp. H6 Chi Minh nim 2001
Gidi BPT: VX’ —3x+2 4+ —dx+3>0x* —5x+4  DS:x=1V x > 4.
Pai hoc Sw Pham Vinh nim 2001
2
Giai BPT: —————— > x — 4 PS: —1<x<8.
(1 ++1+ X)
Pai hoc Dan Lap Ngoai Ngir — Tin Hoc nam 1997
Gidi BPT: (x —3)Vx" -4 <x’ -9 DS: xz3ng—%.
Dy bi Pai hoc khéi D nim 2004
Giai BPT: x° ++2x> +4x +3 > 6 —2x. PpS: x< -2V x>0.

Dy bi Pai hoc khéi D nim 2005

Giai BPT: 8x* —6x+1—4x+1<0. bS: x=— V x€ 1

Du bi Pai hoc khéi B nim 2005

Giai BPT: 2x +7 — V5 —x >+/3x—2. ps:
Pai hoc Can Tho khoi D nim 2001

1
—;+0oo|.
2

4

Giai BPT: x(x+1)—\/x2+x+4+220. PS: x<—-1V x>0.

Pai hoc Kinh Té Qudc Dan nim 2001

Giai BPT: \/<X+5)<3x+4) > 4(x 1), BS: x € (—o0;-5|U

Pai hoc Giao Thong Van Tii Tp. H6 Chi Minh khéi A nim 2001

x+l o x+l 545, pS:

x—1 x—1

Pai hoc Kién Tric Ha Ni nam 2001

Giai BPT:

Gidi BPT: vx’ —4x +3 —y2x* —3x+1 > x —1. BS: x = 1hay x <

Pai hoc khoi A nim 2010

—£;4].
3

N |
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Gidi BPT: x—x >1.
1—\/2(x2 —x+1]

HD: Mau sé < 0, chuyén vé, dp dung dk ddu "=" ctaBPTB.C.S x =

Bai111. Pai hoc Sw Pham Tp. H6 Chi Minh nim 1994

Gidi BPT: V2x> —6x+1—x+2>0. bS: x§3_2ﬁ Vx> 3.

Bii112. Pai hoc Nong Lam Tp. Ho6 Chi Minh nim 1995

Giai BPT: x +3 —vx -1 <+/x—2. pS: x > ?.
Bai 113. Pai hoc Quéc Gia Tp. H6 Chi Minh nim 1996
Gidi BPT: \Jx* — 3x +2 +x* —4x +3 > 2/x* —5x + 4.
HD: Sir dung mién nghiém cua diéu kién. bS: x=1V x>4.
Bai 114. Pai hoc Dan Lip Vin Lang nim khéi B, D nim 1997
Giai BPT: (x—3)\/x2+4§x2—9. ps: xg—g V x>3.
Bai 115. Pai hoc Quéc Gia Tp. H6 Chi Minh nim 1997
2
Giai BPT: (x2+1) <xyx2 42 41, DS: S:lo; \/5—1].
Bai116. Pai hoc Luit Tp. Ho6 Chi Minh nim 1996
—N2 2
Giai BPT: 5\/_+—<2x+i+4 bS: (},3 2\/_U3+2\/_;+oo.
2\x 2 2
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® Tam thirc khong ddi ddu trén R

Tir dinh li vé dau ctia tam thirc bac hai, ta suy ra két qua sau: Cho f (x) =ax’ +bx +¢ ( a = {])
(Diéu kién dé bat phuong trinh c¢6 nghiém vx € R)
a>0 oy a>0

al f(x)>0,\7’x€R<§:} Ao & f(x)>0, vxeR & A<g

b/ fx)<0, VxR = 2<<00 k  f(x)<0, ¥xeR s

a<0
A<

Tir d6, ta c6 thé suy ra diéu kién vo nghiém cta bat phuong trinh nhu sau:

oz a <0
c/ Bébﬁtphuongtrinhf( )>Uvongh1em<‘:>f( } 0, %xeR & {i<0

d/ Dé bit phuong trinh f( x} > 0 v6 nghiém < f( x} < 0, vx E R < Ao

* a >0
e/ Dé bit phuong trinh f( )<( v0 nghiém = f( ) > {)/T’\ ek & {

& A<O
R
\\\ a >0
f/ Debatphuongtrmhf( )<Ovonghlem@f( )>U\7’XCE“ = Ao

= Luuy
< Néu f{xm)=ax’ +bx +c co chira tham s6. Dé flx)>0vxek, ta can xét:

=b \\\0
e Truong hop 1. L

IL

a>0
A<Q

\\

- e Truong hop 2.

////

< Néu f(x;m) = axier h\+c c6 chira tham s6. Dé f( ) < 0,¥x € R, ta cAn xét:

K>

a=b=0
<0

a <0

Truong hop 1. | :
¢ ‘ruonghop A <0

e Truong hop 2.

@ Giai va bién luin bt phuong trinh bic hai f( x;m) =ax' +bx+c>0

— Budc 1. Xét a = 0 néu hé s6 a c6 tham sb.

— Budc 2. Lap A vatimnghiém A = 0 (néu c6 nghi¢m, thi lic nay nghi¢m
lam =..).

— Budc 3. Lap bang xét ddu a va A trén cing mot bang xét dau (bién s6 1a m).

— Budc 4. Duya vao bang xét dau, bién luan nghiém cia bat phuong trinh.
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BAI TAP AP DUNG

Bi117. inh m d¢ biéu thitc f(x) sau ludn dwong véi moi x

1/ f(x)=x"—(m+2)x +8m +1.
3/ f(x)z(m—l)xQ—(m—5)X+m—l.

5/ f(x) = (3m +1)x’

—(3m+1)x+m+4.

2/ f(x):mxz—Q(m—l)x+4m.
4/ f(x):(m2 +1)x2 +2(m +3)x +1.

6/ f(x)=(m+1)x" —2(m—1)x +3m 3.

Bi118. Dinhm dé biéu thirc f(x) sau luon khong dwong véi moi x (luon ludn 4m)
1/ f(x)==2x"+2(m - 2)x + m - 2. 2 f(x)=(m+4)x* — (m—1)x—1-2m
3 f(x)=(m-1)x +2(m+2)x+m—6. 4 f(x)=(m—2)x"+2(m-2)x+2.
S/ £(x) = (m? +4m—5)x" ~2(m—1)x +2. 6/ f(x)=(m—4)x* +(m+1)x +2m—1.
Bai 119. Chimg minh cdc phuong trinh sau ludn c6 nghiém véi moi gié tri cia m € R
1/ 4x" 4+ 4(m +2)x +3m +2=0. 2/ mx’ 4 (5m +6)x +m—1=0.
3 (3—2m)x’+(3m—2)x+m—1=0. 4/ (3m—1)x*+3(m+1)x+1=0.
Bai 120, Chimg minh cdc phuong trinh sau v6 nghiém
Vo (14 mf3)x+mt 4 m3 42200 2 4 (1-my3)x+m? —mi3+2=0
3/ (2m* = Tm +10)x* +2(m = 8)x +1=0. 4/ (m +1)x* + mx +7m = 0.
Bai 121, Tim tham s6 m dé céc bat phuong trinh sau c¢6 vo s6 nghiém (BPT thoa Vx € R)
1/ x*—mx+m+3>0. 2/ 3x*+2(m—1)x+m+4>0.
3 X —(3m=2)x+2m’ —5m-2>0. 4 x+(m+1)x+2m+7>0.
5/ —x"+2(1-m)x—-9<0. 6/ x*—(m—2)x+8m+1>0.
72 +(m—2)x—m+4>0. 8/ mx’+(m—1)x+m-1<0.
9 wmx’ —4(m+1)x+m—5>0. 10/ mx* —mx—5<0.
11/ 5x* —4mx +m > 0. 12/ mx® +2mx —1<0.
13/ 4% —2(m +1)x +m > 0. 14/ (1-3m)x" —2mx +1—-m > 0.
15/ ix2+2<m 2)x +m’ > 0. 16/ (1-m’)x* = 3(m’ —1)x+1>0.
17/ (m® 4+ 3)x* +2(m +1)x +1> 0, 18/ (m+1)x =2(m +1)x —m +2>0.
19/ (m+4)x" = (m—1)x=1-2m <0. 20/ (m—1)x"+2(m—1)x —4m < 0.
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21/ (2m—1)x2—(m—|—1)x+m20.

x? — 8x 4+ 20

23/
mx’ +2(m+1)x+9m+4

< 0.

2 JE—
25/ Lle<1,
2x* —2x + 3

27/ |3(m+6)x° —3(m+3)x+2m—3‘ >3,

2
X —3x+2 <3

29/ <
x> +mx +1

1/ x*4+6x+m+7<0.
3 (m-2)x" +2x-4>0.
5/ mx’ +2(m—1)x+4>0.
7/ mx® +6mx +8m —10>0.
/o (m=1)x" +2(m—1)x+3m —2>0.
m —2)x* +(m —2)x +m <0,
x4 (m+2)x —4> 0.
(m+
—2

)X—|—2m—120.

2

(
(m 3]

15/ (m—4)x" +
(3-m)x

(2m 5)x 2m +5> 0.

19/ m(m+8)x —2(m+8)+8m+1>0

1/ mx2+2<m+1)x+m—2§0.
3/ (m—2)x2—|—2(m—2)x+2§0.
5/ —2X2+2<m—2)x+m—2<0.

7/ X2+(m—2)x—8m—|—120.

9/ (m—?)x2+2(2m—3)x+5m—620.

11/ (3—m)x2—2<m—|—3)x+m—|—2:0.

22/ (m—2)x2+4mx+m—1§0.

3x> —H5x + 4

e rm)xr2m

>0.

2x” —4
_4<X2—|_$<6'
—x"+x-1

26/

x2+(m—1)x+3|
28/ > <2

x +x+1 ‘

3x% — 4x |>2

30/ =
x* 4 2mx + Bm‘

. Tim tham s6 m dé cdc bat phuong trinh sau v nghiém

2/ —X2+2(m—1)x+120.
4 mx*+4x+m<0.
6/ mx2—4(m+1)x+m—5<0.

8/

16/ ( 4)x om+1<0.

18/ 3m+1) (

(m +
o
(m

14/ (m +3)x" +2(m —1)x + 4m < 0.
(m +4)x
( +1)x+m+4<0.
(

20/ (m? +2m — 3) +2(m—1)x+1<0.

. Tim tham s6 m dé cic bat phuong trinh sau c6 nghiém

2 (m+2)x* +2(m+2)x+m+4>0.
4 (m—-1)x"+2(m+2)x+m-6<0.
6/ —x’+3x—-m+1<0.

8/ (m*+1)x* +2(m+38)x+1>0.
10/ (m —5)x" — 4mx +m —2 = 0.

12/ (1+m)x2 —2mx +2m = 0.
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13/ (2m—3—m2)x2 +2(2—3m)x = 3.

Bai 124. Giai va bién luan céc bat phuong trinh sau

1/ xX*—mx+m+3>0.

3/ mx’—2x+4>0.

S/ X —2(m+3)x+m’ +4m+1<0.
7 (m—1)x" —4mx +4 <0,

9/ mx’+4mx+m-+6>0.

11/ (1-m)x* +2mx +m +1<0.

13/ (m—3)x" —4(m - 3)x +m >0,
15/ x* —2mx+3m <0.

17/ x> —2mx+m*—-1<0.

19/ (m2+1)x2+2(m+3)x+120.

14/ (m—?)x2—4mx+2m—6:0.

2/ (14 m)x* - 2mx +2m < 0.

4 ¥ —2(m+3)x+m’+4m+1>0.
6/ 3mx’—mx+1>0.

8/ mx’+(m—3)x+m-3<0,

10/ (m+1)x* —2(m —1)x +3m — 3> 0.
12/ 2" =2(m +1)x +1>0.

14/ x* —2x+2m—m* >0,

16/ (m —1)x* +3(m—1)x+5>0.

18/ (m +1)x* — 2mx + 4m > 0.

1 1-Vm  14Vm
x 14vm  1-Vm

20/ x+

Bai 125, Tim tham s6 m dé bat phuong trinh sau thoa diéu kién x cho trudc
1/ x*+2(m+1)x—m+3>0 Vx> 0.
2 ¥ 42m+l)x-m+3>0 vx <0.
3 X —(m+1)x+1>0 Vx> 0.
4 (3-m)x*—2(m+1)x+1>0 Vx < 0.
5/ x*—2(m-2)x+m-2<0 Wx € [0;1].
6/ (m—2)x’ —2(m—2)x+1<0 Wx € [071].
7/ x> —2mx +3m—2>0 vxe(l;z).
8/ (m+1)x*—2(2m—1)x <3(1-2m) Vvxe(-1L1).
o (x-m+1)(x-m+3)<0 wx € (1,2).
10/ (x+3—2m)(x+3m—2)<0 vxe[z;:s].
11/ (x—2m)(x +m—1)>0 Wx € [3;+00).
12/ |X2 XQ(;iX1YX4+4%<2 ¥x ER.
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Bai 126. Tim mién xdc dinh ctia ham so tuy theo gid tri cua m

1 y=f(x)=2x-3+[[m—1)x +3(m—1)x+m.

4x + 5
2/ =1 = —2.
' (X) \/(2—3m)xz+2mx+m—l+x
3/ y:f(x):3x2+mx—7—\/);im—_x4j;n—2.

4/ y:f(x):5x2—|—2m—\/(m—i—1)X2—2(m—1)x+2—2m.

_\/mX2+(m+2)X%—2

5/ y:f(x) +m®—3m+1.

x—1

Bii 127. Tim tham sé m dé hai bat phuong trinh sau day tuong duong nhau

1/ 4x* —8x+3>0 & xX—2x+1—-m'>0.

2/ X 4+8x+T7>0 & mx’ —2x+4>0.

3/ 2x*4+5x+3<0 & —x"4+3x-m+1<0.
4/ x*—x-20>0 & —x" +2(m—1)x+1>0.

Bai 128, Tim tham s6 m dé bat phuong trinh: (1 — m) x> +2mx+m—6>0

1/ Co6 nghiém.
2/ Céduy nhét mot nghiém.
3/ C6 nghiém 1a mot doan trén truc s6 c¢6 do dai bang 1.

Bai 129, Tim tham s6 m dé bat phuong trinh: mx’* — 2(m — 1)}( -—m-5<0

1/ Co6 nghiém.
2/ Céduy nhat mot nghiém.
3/ C6 nghiém 1a mot doan trén truc s6 c¢6 do dai bang 2.

Bai 130, Tim tham s6 m dé nghiém céc hé sau théa yéu cau bai todn

x* —6x+5<0

1/ ) ) C6 nghiém.
x —2(m+1)x+m +1=0

5 xP—2x* —5x+6 <0
Xz—(mz—l)x—i—Sm—l:O
XX +7x—8<0

3/ Vo nghiém.

XQ—(3m—|—1)x+m(2m+1):O

C6 mot nghiém am va mot nghiém duong.

"Can cii bii thong minh............
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x* —2mx +2m’ +m—-2=0 . .
4/ C6 nghiém duy nhat.

x> —2mx +2m > 0

x> +m’ =4
5/ C6 nghiém.

x> + 5m+2 x+4m® +2m <0

x +3m <0 .
6/ & C6 nghi¢m.
+ X +9m <0

x* —2mx +4m < 0 . .
7/ C6 nghiém duy nhat.

x> —mx 4 8m <0

2

4+ (m+1)x+1<0 , ,

8/ C6 nghiém duy nhat.

<(m+1)xz+x+120

2x> —3x—2<0 .
9 1 Vo6 nghiém.
mx- +2mx +1<0

10/

x> —bx+4>0
C6 nghi¢m.

x2—4(m+1)x—|—4m2+8m—|—3§0

1/ (2m +1)x+3> (x - 3)m’ C6 nehia
(m—2)x* —4x ~1>0 © nghiem.
{mZ(x—2)+(m—|—l)X>2+mX ) -

12/ C6 nghiém.

(m+1)x2+x+2>0

2
x —(2m+1)]x—4m >0 .
13/ ) ( ) C6 nghiém duy nhat.
X" —2mx 4+3—2m <0
¥ —4(m+1)x+4m* +8m+3<0
14/ ) C6 nghiém.
X —ox+4>0

x4 (m+1)x +1<0 . :
15/ C6 nghiém duy nhat.

(m+1)x2+x+120

2x* —3x—2<0
16/ V&6 nghiém.

mx’ 4+2mx +1<0

Bai 131. Tim tham s6 m dé céc hé sau c6 tap nghiém la R

2_ o 2_
) g3 Tmx=06_4 ) 3 Tmx+5 o

X 4+x+1 2% —x+1

Bai 132. Tim tham s6 m dé cdc hé phuong trinh ¢6 nghiém thoa yéu theo sau ctia bai todn
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. Cho hé bit phuong trinh: {
. Cho hé bat phuong trinh: {

. Cho hé bat phuong trinh: {

x' —3x* —10x +24 >0 o
1/ C6 hai nghiém am.

X2+2(m2—1)x—2m+1:0

x*—3x" —10x+24>0

2/
X2 +2 m —1)x—2m+1_0

C6 nghiém duy nhat.

x+2m+1x+m +m—-2=0 ) .
3/ C6 nghiém duy nhat.
x! —4X —|—4<0

x> =2 m+3 x4+m’+6m+5=0
x* —1OX —|—9<0

4/ C6 nghiém duy nhat.

x’—2x+m =0 ' .
5f 9, 5 ) C6 nghiém duy nhat.
X —4x" +4x" +m—-10<0

X’ —2x—4+m<0 .
6/ 1, ) C6 nghiém.
X —6x"—8x+20—m <0

x’ —4x+3<0

. Cho hé bat phuong trinh: { . Tim tham s6 m dé:

x*—8x+144+m<0

1/ Heé v6 nghiém.

2/ Hé c6 nghiém duy nhit.

3/ Hg c6 nghiém la mdt doan trén truc sb c6 do dai bﬁng 1.
x*—3x+4<0

3%’ —2(m +1)x —m” +2m -3 <0

1/ Tim m dé hé vo nghiém.
2/ Tim m dé hé c6 nghiém duy nhat.
" —(3m —1)x +5m +6 =0

x> —2x <0

1/ Tim m dé hé ¢ ding mét nghiém.

2/ Tim m dé hé c6 hai nghiém phan biét.

X —(3m—1)x+2m —m<0
x’4+m’=4

1/ Tim m dé hé c6 nghiém.

2/ Tim m dé hé c6 diing mot nghiém.

3/ Tim m dé hé c6 hai nghiém phén biét.
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x*—2x —4m <0

Bai 137. Cho hé bit phuong trinh: )
X" —4x4+m <0

1/ Tim m dé hé c6 nghiém.
2/ Tim m dé hé c6 nghiém duy nhat.

(m—l)x2+(m—1)x+m—120
mx’ —2x+2m+1<0

Bai 138. Cho hé bat phuong trinh: {

1/ Tim m dé hé c6 nghiém.
2/ Tim m dé hé c6 nghiém duy nhat.
Bai 139. Xéc dinh m dé hé sau c6 nghiém thoa yéu bai toan

x? —2mx <0 .
1/ C6 nghiém duy nhat.

‘x—1+m‘§2m

x?—3x—4<0
2/ C6 nghi¢m.

x? —3x‘x‘—m2 —15m >0

Bai 140. Giai va bién luan hé bat phuong trinh sau

{mx—l—lZO {XQ—X—6SO

1/ , . 2/ , .

XX —3x—10<0 x —(m+1)x+m>o

y (x—1)(x—2m)go " XX +2x—8>0
(x+2)(x+m)§o' x2+(1—m)x—2(m+1)<0'
x> —6x+8<0 X2+(1—3m)x—m(1—2m)§0

5/ ) ) . 6/ ,
x —2(m+1)x+m +92m >0 x —|—(m—4)x—2(m—2)§0

Bai 141. Tim tham s0 m dé cac hé sau c6 nghi€m thoa yéu cau clia bai toan

(x—1) +(y-3) <4

1/ (X - m)2 . (y - 3)2 1 C6 nghi¢m.
2 2
N EX :))2 :(é * 1))2 i " C6 nghiém duy nhét.
X —y) <m
y [l 1) <4 C6 nghiém.
~(X+m)z+(y—|—1)2 > (m —2) '
2 2
4/ <<X_1)++(y;1) =2 Nghiém ding x € [0;2].
X—y+m=
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Bai 142.

jve]
=X
—
N
N

oe]
=X
—
N
joe]

Bai 151.

Bai 152.

, Cho hé bit phuong trinh: (y

. Tim tham sd m dé: \/(1 + 2X)(3 & X) >m + (2}(2 —5x + 3) thoa Vx €

x* —2(m+3)x+m’ +6m+5<y

Cho hé bat phuong trinh: {(x —y—m-— 2)(){ —y—m-— 5) <0

1/ Giai hé bat phuong trinh khi m = 1.

2/ Tim tham sd m dé tap nghiém cua h¢ chira doan [2; 4] .

X2—X|—120
y—2+[x+1]-1<0

1/ Giaihékhi y =2.

2/ Tim cac nghiém cua hé.

. Cho bt phuong trinh: mx —vVx —3 <m +1 (*)

I/ Giai bat phuong trinh (x) khi m = %

2/ Vi gid tri nao ciia tham s6 m thi bat phuong trinh c6 nghiém.

. Cho bat phuong trinh: | /(m + 2)x —m > ‘X + 1‘ (*)

1/ Giai bat phwong trinh (+) khi m = 1.

2/ Tim tt ca gia tri cia m dé bat phuong trinh (*) c6 nghiém x thoa: 0 <x < 2.

. Tim tham s6 m > 0 dé bat phuong trinh: \/; —+vx—1>m cd nghiém.

—l;3].
2

. Tim nghiém ciia bt phuong trinh: x + \/1 —-x’ < X\/l —x” trén doan [0; 1] .

. Cho bt phuong trinh: (x2 + 1)2 +m<xyx’+2+14 (*)

1/ Giai bat phuong trinh (*) khi m = 3.

2/ Tim tham s6 m dé bat phuong trinh (*) duoc thoa Vx € [0; 1] .

. Cho bat phuong trinh: x —2yx —1<m+1 (*)

1/ Giai bat phuong trinh (+) khi m = 0.

2/ Vi gid tri nao ctia tham sd m thi bat phuong trinh (*) c6 nghiém.

Cho x € [0;1] . Chting minh rang: \/; +Vl—-x+ %/; +Al1—-x < \/5 + \/2\/5 . Pang thirc
x4y ra khi nao ?

Giai bat phuong trinh: 2x ++a’ —x* > 0 vdi a 1a s6 cho trude.
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Bai 153.
Bai 154.

Bai 155.

=]
Q)
-
—
U1
O

=]
Q)
(=3
—
U1
N

GO
Q)
=3
—
U1
CO

. Cho h¢ bat phuong trinh: {

Tim m dé bat phuong trinh: x —myx —1 > m + 1 ¢6 nghiém.

Giai bat phuong trinh: V1 — x — V2 +1>0. Suy ra bang xét diu ctia ham s6

f(x):\/l—x—\/x2+l.

Giai bt phuong trinh: V1 —x —x* +1 < x.

Cho da thirc: P(x) = 2x* + mx® + nx + p Trong d6 m,n,p 12 hing sb.
1/ Xdc dinh m,n,p dé P(x) chia hét cho da thic Q(x) = 2x° +3x* — 1.

2/ Véi céc gid tri tim dugc cta m,n, p, giai bat phuong trinh: P (‘x — 1‘) >0.

. Vi gid tri nao ctia tham s6 m thi bat phuong trinh: x* + 2 |X — m| x+m’+x-1<0cé

nghiém.

., Tim tham s6 m dé bat phuong trinh: x* + |X — m| < 3 c6 nghiém am.

. Cho bt phuong trinh: \/x (2 — x) +m+1>x"—2x+3 (*)

1/ Tim m dé bt phuong trinh (*) ¢6 nghiém.

2/ Tim m d& do dai mién nghiém cua bat phuong trinh (*) bing 2.

. Cho bat phuong trinh: ,[x (6 — x) >x° —6x+m +2 (*)

1/ Tim tham s§ m dé bit phuong trinh (*) c6 nghiém.

2/ Tim tham s6 m dé mién nghiém cta bat phwong trinh (*) thudc doan [2; 4] .

. Tim cic gi4 tri ciia m sao cho bat phuong trinh: x |X — 3| < m dugc théa Vx € [1; 4] .

. Tim tham s6 m d€ hé sau c6 nghiém

y x = (m+2)x +2m <0 y X2+(2—3m2)x—6m2<0
x2—|—(m—|—7)x+7m<0' x2—(2m+5)x+m2+5m+620'

XQ—(2m+1)x+m2+mgo' Y x2—2(m+2)x+1>0'

3/ [XQ—QX—HI—FlSO VP4 x—24x<1

x' —4x® +4x* —4x+3 <0
(+)

x* —mx-3<0
1/ Giai hé (*) khi m = 2.

2/ Tim tham s6 m dé hé (*) c6 nghiém.
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x'—5x* +4<0

Bai 163. Cho hé bat phuong trinh: %
? Dl PAODS X2+(2m+1)x+m2+m—2=0 <>

I/ Giaih¢ (x) véi m =1.
2/ Tim tham sb m dé hé (*) c6 nghiém.
3/ Tim tham s6 m dé hé (*) c6 nghiém duy nhat.

x' +8x° +16x +16m> +32m + 16 = 0
N A1 A ST 2
Bai164. Cho hé bt phuong trinh: { ., 4x _>5 (%)
(X + 2)

1/ Giaihé (*) voi m = 2.
2/ Tim tham s m dé hé (*) c6 nghiém.

- | (y+1) <m _ ,
Bai 165. Tim tham so6 m dé hé: ¢6 nghiém duy nhat.

2 2
(X + 1) +y <m
o x+y=1
Bai 166. Giai va bién luin hé: ) ) .
x+y <a

2
x+3y >(x+y) +m

Bai 167. Tim tham s6 m dé hé: ¢6 nghiém duy nhat.

(X—y)2 <3y—x—m

eBt‘:u' tdp qua cac ki thi

Bii168. Cao ding Giao Thong nim 2003

3x? +2x—1<0

Giai hé bat phuong trinh: s .
x°—=3x+1>0

Bii169. Cao ding Khi Twong Thiy Vin khdi A nim 2003

x> —2x <0

Giai hé bit phuong trinh: .
’ P & {XJ‘ —5x*4+4<0

Bai 170. Pai hoc kién triic Tp. Ho Chi Minh nim 1994

Cho bat phuong trinh: mx —vx —3 <m +1.

1/ Giai bat phuong trinh véi m = %

"Can cii bii thong minh............
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2/ Véi gié tri nao ciia tham sd m thi bat phuong trinh ¢6 nghiém ?

1+43

4
Bii171. Pai hoc Tai Chinh Ké Toan Tp. H6 Chi Minh nim 1995

bS: 1/ 3<x<7. 2/ m <

x* — X| —-1>0
Cho hé phuong trinh: .
y—2+[x+1]-1<0
1/ Giai hé bat phuong trinh khi y = 2.

2/ Tim tat ca cdc nghiém nguyén ctia hé.

ps: 1/ 1_2“/ggxgo. 2/ S:{(O;Q),(—1;3)}.

B3i 172. Pai hoc Y Dugce Tp. Ho Chi Minh nim 1996

Tim a dé bat phuong trinh \/; —~x —1 >a c6nghiém véi a 1a tham sb duong.
bS: 0<a<l.
Bai 173. Dai hoc Ngoai Thwong Co Sé 2 nam 1999

e e , o X x*—8x+7<0
Vi gid tri nao ctia m thi h¢ bat phuong trinh §

) c6 nghiém ?
X —(2m+1)x+m +m <0

Xéc dinh m dé hé bat phuong trinh c6 mot nghiém duy nhat ?
Bii 174. Hoc Vién Quan Hé Qudc Té nim 1997

X2—<m+2)x+2m<0

Timmdéhé | ,
X +(m+7)x+7m<0

c6 nghiém DS: m <0.

Bai 175. Pai hoc Thuwong Mai nim 1997

x—2x4+1-m<0

Timmdéhé { | ,
X —(2m+1)x+m +m <0

c6 nghiém

Bai176. Dai hoc Thily Loi nim 1998

x> —2mx < 0

Tim m dé hé
‘X—1+m‘§2m

c6 nghiém

Bai 177. Pai hoc Thuwong Mai nim 1998

x* —3x+4<0

3

) c6 nghiém
X' —3X‘x‘—m —15m >0

Tﬁmmdéhé{

Bai 178. Pai hoc Kinh Té Qudc Dan Ha Ngi nim 1999

DS: 4 <x<-1.

x> +5x+4<0
X 4+3x—-9x—-10>0"
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Chu_on r A Y A r r
Chuong ' GOC VA CONG THUC LUQNG GIAC
DA @A o
Hé thirc lwong gidc co bin
@ tana = smu . @ cotax = LOSQ .

® sin‘o+cos’a=1.

@ tano.cota =1.

® l+tan’a = 1 . ® l+cot’ o= —.
cos” o sin” o
BAI TAP AP DUNG
Bail Chimg minh cac dang thirc sau

1/ cos’x —sin’x =1—2sin’x. 2/
3/ 3—4sin*x=4cos’x —1. 4/
5/ sin®x 4+ cos'x =1—2sin’ xcos® x. 6/

7/ 4dcos’x —3 = (1—2s,inx)(1+2s,mx). 8/

9/ sin*x—cos'x=1—2cos’x =2sinx —1.

11/ tan®x — sin’ x = tan® xsin®x.

10/
12/

Bai 2 Chimg minh cac dang thirc sau
1
1/ tanx 4 cotx =———. 2/
sin x cos X
3/ 1 + 1 =1 4/
1+ tanx 14 cotx
.2
5/ LESX 14 otan’x. 6/
1—sin“x
7/ 1—cot'x = 22 - ‘14 : 8/
sin“x sin" x
9/ (1—COSX)(1+cot2x):;. 10/
1+ cosx
11/ sin x +1—|—‘COSX: ‘2 . 12/
1+ cosx sin x sin X
. 2 o
13/ sin"x +2cosx—1  cosx 14/

2+ cosx —cos’x 14 cosx

2c08°x —1=1—2sin’x.
sinxcotx + cosxtanx = sinxX + cosx.
cos’ x —sin* x = cos’ x —sin” x..

. 9 2 < 2
(1+cosx)(sm X — COSX -+ Cos X):sm X.

sin® x cos x + sin x cos® x = sinx cos x .

2 2 2 2
cot”x —cos” x = cot” xcos” x.

1—cosx  sinx
sin x 1+ cosx
1 >
1- 1+ +tan"x = 0.
COS X COSX
t t
cotx + coty
COS X 1
tanx + - = .
1+sinx cosx
1+cosx_1—cosx_4cotx
1—cosx 1+ cosx sinx
sinx +cosx—1  cosx

sinx —cosx+1 14 sinx

sinx +cosx —1 2cosx

1—cosx sinx —cosx + 1

"Can cu bu thong minh............ "
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Chuong 5. Cung géc luong gidc — Cong thuc lugng gidc

Bai3. Chung minh céc dang thirc sau
1/ sin®x + cos® x =1— 3sin’ xcos’ x.
2/ sin®x —cos®x = (sin2 X — cos’ x) (1 — sin? x cos® X) .
2
3/ sin®x + cos®x = (1 — 2sin® x cos’ X) —2sin* xcos’ x .
4/ sin®x —cos®x = (sin2 X — cos’ x) (1 — 2sin’ x cos® x) .
Bai 4 Ching minh céc dang thirc sau
1/ 1+sinx+cosx+tanx:(1+cosx)(1+tanx).
2/ (1+tanx)(1+cotx)sinxcosx:1+QSinXCOSX.
2
3/ (1 + tan X)cos2 X + (1 + cot X) sin?x = (sin X + cos X) )
4/ sin’xtanx 4 cos’ x cotx + 2sinx cosx = tanx + cotx .
5/ sin’xtan®x + 4sin’x — tan’x + 3cos’x = 3.
Bai 5 Ching minh céc dang thirc sau
1 sin’ OL‘— cos’ _ tana — 1 ‘ 9/ tan® o — sin® o — tan® o
14+ 2sinacosa tano +1 cot’ a — cos’ a
3/ cos’ n sin” « | sinocosa. 4/ tanoe—gsinoc _ 1 ‘
1—tana 1—cota sin” o cosoc(l%—coso«)
1 3tan’
5/ ﬁ:tanzoc—kcotzow—z 6/ —tanzazﬁ—l—l.
sin” o cos” o cos” Ccos™ o
tan’ o —tan® B sin® o —sin’ 3 1—cosa (1 + cos 04)2
7/ 5 = > 5 8/ - 5 —1|=2cota.
tan” atan® 3 sin” acsin” 3 sin o sin” o
9 1 5 3 sina+ cosa
9/ (1—cos0¢)(1+cot u):—. 10/ 14+tana+tan” oo+ tan’ oo =———
1+ cosa cos® o
11/ sino B cosSQL _1—|—00t20L 12/ tan® o 1+cot20<_ 1+ tan' o
sna+osa  cosa—sina 1—cot’ o l+tan’a  cot’a tan® o + cot’ o
- - 2 2
13/ \/1—|—s'1n04_\/1—s%n04 —Atan’o. 14/ \/1+COSOL_\/1—COSOL — deotlar.
1—sina 1+ sina 1—cosa 14 cosa
Bai 6 Riit gon cic biéu thirc sau
1/ P1 = sin® a + sin® acos® . 2/ P2 = sin* a — cos* a + cos® av.
3/ P3 = sin® a + sin® acot’ . 4/ P4 = cos’ o + cos’ aucot’ o .
5/ P5 = (1 — sin? OL) cot? o +1—cot’ . 6/ P6 =sin® actan o + cos” avcot o+ 2sinacos .
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2
7/ P7 _ ?COS a—1 ' 8/ :1 cosa 1 '
sina 4 cos sin? o 14 cosa
t t
o P, _ cota +cotB 10/ P, = tana +—25%
tan o + tan 3 14 sina
11/ P, :M—sinxcotx. 12/ :M—cotxcosx.
tan x sin® x
2 2 . 9 2
— 1—
13/ P13 _ cos"x cot X. 14/ _ Sin” X cos X—coszx.
.92 2 2
sin”“ x — tan” x cos” x
sin® x + sin x cos” x — cos x (sinx +COSX)2 -1
15/ P, = - . 16/ = - .
1—2sinxcosx tan X — sin X cosx
.92 .92 2 2 2
17/ P17 _ sm2x+sm2xtan2x . 18/ _ cot” x 2(:os X 11— cos’x.
cos” x 4 cos” xtan” x cot” x
cosQX—sinQy 9 9 1 sin x cos X cotx
19/ Py = —————— —cot” xcot” y. 20/ =—— — .
sin” xsin® y sinx 1l+4cotx 14 tanx
— — i 1 1
21/ By =1 O8X 1SNk feotx. 220 By =14 cotx +—— 1—|—cotX—.].
sinx COSX sinx sinx
. 1
23/ P23:\/(1—|—tanx)(3082x+(1+00tx)sm2x. 24/ B, = L lo<x<Z|.
sinx—\/oot2x—0082x 2

Bién d0i cac biéu thuc sau thanh tich so

1/ A=2cos’x—1.

2/ B=3-4sin’x.

3/ C=sinxcosx+cos’x—1.
4/ D=sin’x+sinxcosx —1.
5/ E=1+sinx+cosx + tanx.

6/ F =tanx —cotx+sinx + cosx.

77 G= cosxtanzx—(1+cosx).
8/ H= (3—4cos,2 x)—sinx(zsinx +1).

9/ I:singx—3cos2x+\/gcosx—\/§sinx.
10/ J = cos®x —sin®x +sinx + cosx.

11/ K =cos’x + cos’ x + 2sinx — 2.

12/ L = cos®x +sin® x + cosx.

13/ M= 1+COSX+COSQX—SiHX(1+COSX).
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14/ N =2cos’x +2cos’x +sinx —1.
15/ O = cos’ x +sin’® x + 2sin®x — 1.
16/ P:(QSinX—l)(Qcosx+QSinx+1)—3+4C082X.
17/ Q:(2cosx—1)(sinx+cosx)—1.
18/ R =4sin®x + 3cos® x — 3sinx — sin® x cos x .
19/ SZ(1+Sinx)tangx—(1+cosx).
20/ T:2—5Sinx+3(1—sinx)tan2x.
21/ U =2sinxcosx —2sin’x + 3sinx — cosx — 1.
22/ V:tanx—3cotx—4(sinx—|— 3cosx|.
23/ X =3sinx+2cosx —3tanx —2.
24/ Y:2(tanx—sinx)+3(cotx—cosx)+5.
25/ Z:3(c0tx—cosx)—5(tanx—sinx)—2.
Biai8.  Chung minh cdc biéu thirc sau khéng phu thudc vao bién x
1/ A =cos'x —sin’ x +2sin’ x.
2/ B =sin"x +sin® x cos® x + cos” x..
3/ C=cos®x+sin’xcos’x + sin® x.
4/ D =cos’ X(2C082 X — 3) + sin* }((2sim2 X — 3).
5/ E = sin® x + cos® x — 2sin® x — cos* x + sin®x .
1 1
6/ F:sinx.\/ + ) 0<x<2|,
14+ cosx 1—-cosx 4
7/ G:\/sin4x+4c082x +\/cos4x+4sin2x.
8/ H = cos’xcot’ x + 5cos’ x — cot’ x + 4sin’ x..
9/ I:(1+cotx)sin3x+(1+tanx)cos?’x—sinx—cosx.
10/ J= (sin4x—|—cos4x—1)(tan2x—|—cot2x+2).
11/ K:3(sir18X—(:os8 X)+4(COSGX—2Sin6 X)+68in4x.
12/ L:Sin4X(1—|—Sin2X)+COS4X(1+C082 x)+5sin2x0032x+1.
4 4 2 2 _\? 8 8
13/ M:2(Sin X 4+ cos” X + sin” x cos X) —(sin X + cos” X|.
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Bai 9.

Bai 10.

Bai12.

Chtrng minh céc biéu thirc sau khong phu thudc vao bién x

2 tx +1
+c0x

1/ A= .
tanx —1 cotx—1
2
(1 — tan? X) 1
2/ B= — .
4tan® x 4sin® x cos® x
1— tan?
3/ Cz%—(l%—taﬁx)(l—l—co‘czx).
anx
2
(1 — cot? X) 1
4/ D= — .
cot? x sin? x cos? x
1—-sin®x  3tan’x
5/ E= 6 o 2
cos’ X cos” x
tan?x —cos’x  cot’x —sin® x
6/ F= + .
sin® x cos® x
7/ G- cot’x —cos’x  sinxcosx
(j()t2 X cotx ’
8/ H= sin4x+cos4x—1

sin® x + cos’

Ths. L& Van Poan

Cho f(x): 2(1—cosx), g(x):\/Q—l—cosx—\/g.sinx, h(x):\/2+cosx+\/§.sinx.

Chting minh céc dai lugng sau khéng phu thudc vao bién: A = f* (x) + g (x) + h? (x),
B = f* (X) +g' (X) +h* (X), C = f? (X).g2 (X) + g (X) h? (X) + h? (X).f2 (X) .
Cho asinxsiny — bcosx cosy = 0. Chirng minh rang biéu thirc

1 1

Q= ~ —+ - — khong phu thude vao bién.
asin“x +bcos”x asin"y + bcos”y

Cho Q = sin® x + cos® x — m (sin4 X + cos® x). Tim tham s6 m dé biéu thic Q khong phu
thudc vao x va tinh gid tri ctia Q véi m vira tim dugc (néu co).

(HKII — Chuyén Tran Pai Nghia — nim 1998)

.4 4
Cho 22 X + €8 X _ L . Chirng minh rang:
a b a+b
sin®x  cos®x 1 2
1/ + = (HKII — Chuyén Lé Hong Phong — nam 2001)
3 3 3
a b (a + b)
sin'®x  cos'’ x 1 .
2/ —+ = 7 (HKII — Ha N6i Amsterdam — nam 2007)
a b (a + b)
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X% % ¢

I - Gia tri lwong giac cia géc (cung) lwong giac

1. Pinh nghia cac gia tri lwong giac = A o T
« = s
Cho (OA,0M) = a. Gid sit M (x;y).
— Bl S cotang
e cosa=x=0H. R
® sina =y =0K E .
o cosin
. O H JA ~
sinoe —— N
® tang = MR AT [a = — —I—kw].
COs & \ 2
® cota= C_Osa =BS (G:ﬁkﬁ).
sin o \

= Nhan xét
o Vo, —1<cosa<]l; —1<sina<1.

e tano xdc dinh khi o = §+kﬁ, keZ. o cotoxdcdinhkhi « =kw, keZ.

4

® gin ({1 -+ k?ﬁ) = sin. ® tan (a + k'ﬁ) = tanc.
® (oS (C\ + 1{2’{() = CcosQ. ® cot ((x + k’xr) = cotox.

2. DAu ciia cic gia tri lwong gidc

o — Phan tw | 11 m | 1
Gid tri lugng gidc
coso + - - +
singl + + - -
tano + - + -
coto + - + -
3. Mot s6 luu A
: 0
— Quan hé giita do va radian: 1° = : (rad) va 1(rad\} = {@] .
C ! ’ ™

— V6i 7w~ 3,14 thi 1° ~ 0,0175 (rad) va nguoc lai 1(md) = 57°17'45".

— Do dai [ cta cung tron ¢6 s6 do o (rad), bankinh R 1a 7 = Rucx.

— Sb6 do cia cac cung luong giac c6 diém dau A, diém cudi 1a B 1a
sdAB = o+ k2w, (k€ Z),

TN

— Mai cung luong gidc CD ung voi mot goc lugng gidc (VOC,OD') va nguoc
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II — Cung géc lién két
Géc dbi nhau G6c bu nhau Goéc phu nhau
cos (—c\) = CcosQ sin (’K — 0;) = sin sin (— - COS Qv
sin (—(1) = —sin« cos( ™ — cx) = —cosw cos {5 ] = sino
tan (—Oa) = —tano tan (1? — Oa) = —tano tan {: = cota
. ~ 2
cot (—&) = —cota cot (’K — &) = —cota cot [g ol = tano
Goc hon kém = Go6c hon kém ;
sin(’n—l—u) = —sin sin 5 —1—& = cosQ
cos(’a—(—&):—cos& cos[g—l-&):—sin&
tan (ﬁ + c\;): tan o tan g + a] = —coto
cot (ﬁ -+ &): cot o co‘r(Z\ + c\] = —tano
ad | 0 | | X | X | X | 2 | 3o | 3T | o0
6 4 3 2 3 4 2
do oo 300 450 600 900 1200 1350 | 1800 | 2700 | 360°
sin 0 l ﬁ ﬁ 1 ﬁ ﬂ 0 —1 0
2 2 2 2 2
cos 1 £ é l 0 —1 _é -1 0 1
2 2 2 2 2
wn | o | BB B [ e ] o
3 3
cot | | J3 1 £ 0 —£ -1 | | 0 ‘ |
3 3
» Can nim ving hé thirc co ban
o sin‘a+cos’a=1. ® tana.coto = 1.
o l+tan’a = 19 . o l+cotPox = ——.
COs™ (¢ sin” o

"Can cu bu thong minh "
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=]
[0
it
N
—

BAI TAP AP DUNG
MOI LIEN HE GIUA PON VI PO VA RADIAN

2.« , n . a2 3w S5m 9m 7w 13w 3w 157 =
boi s0 do cac cung sau ra d9, phut, gidy: —, —, —, —, —, —,——, 2, — —.
3 4 9 5 3 3 4 7 15

Doi s6 do cdc géc sau ra radian (rad): 90", 36°, 15",—72°, 270°, 240°, 540°,—750°, 21°.

Doi s6 do d6 ctia cdc cung tron sau thanh s do radian (chinh xdc dén phan nghin):
21°30", 75°54', 12°36', 15°30", —105°45'30", 27°38'49".

A A . 5 2 N A A , Py A 4 2 N
Do s6 do radian cua cdc cung tron sau ra s0 do d§ (chinh xac dén phit): — (rad) va 2,5m.
I

Dién cdc gid tri thich hop vao 6 trong

0° 15° 30° 45" 60" 75° 90° 120° | 150° | 180°
SIS TS| x| 2 3T om S
16 8 6 12 2 3 4 6 3
Radian 7_ﬂ T _ 5_7T - 2_7‘ 3_7‘
4 12 6 2 3 4
bo 135" —50° 810"

TINH PQ DAI CUNG TRON
Mot duong tron c6 ban kinh 10 (cm) . Tinh d6 dai cic cung c6 s6 do 1a

Zmom dn T BT on 3T a5, 3(raa), 75",
3718 5 3 6 4 2

) ) )

Kim gi¢r ctia @dng hd dai 7(cm ), kim phit dai 10(cm ). Tinh quang dudng kim phiit, kim gi
di duoc trong 30 phuit.

Binh xe c6 duwong kinh (tinh ¢ 16p) 1a 55 (cm ). Néu xe chay véi van toc 40 (km/h) thi trong
mot gidy banh xe quay dugc bao nhiéu vong ?

Kim phiit va kim gid ctia dong ho 16n nha Buu Dién Ha Ni theo thir ty dai 1,75 (m va
0

> ~—

1,26 (m) . Hoi trong 15 phiit, miii kim phit va mii kim gi® vach trén cung tron c6 d¢ dai bang

bao nhi€u mét ?

BIEU DIEN NGON CUNG LUQNG GIAC
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Bai 23.

Bai 26.

Biéu dién cic géc sau 1én duong tron lugng gidc goc A: 30°, —45°, 120°, —120°, 330",

630°, 750°, —1250°, % AT 5o qpgp0, 15T 2010w
13 R

Xéc dinh didm cudi cta cung ¢6 s do: k2w, k, kg, kg, k%, (kez).

Xdc dinh diém ngon cua cic ho nghiém sau day trén duong tron lugng gidc voi k € Z.

1/ x = k. 2/ x:g+k2ﬂ.

3/ x = 4kx. 4/ x:§+1m.

5/ x=—2 4 k2r. 6/ x=—=4knr.

6 4

7 %= XT g x— KT
3 3 3

9 x— T, KT 10/ x = & 4 X
4 4 6 3

Cho hai diém M va N sao cho sdAM = — va sdAN = % véi k € Z. Tim k € N dé:

T
6
1/ M tring véi N. 2/ M dbi xtmg voi N qua tim O.

s SN .35 . omwm . 2 PRI USSR
Hai goc lugng gidc c6 so do radian =5 va e v6i m la sO nguyén c6 thé c6 cung tia dau va

tia cubi hay khong ?
GIA TRI LUONG GIAC CUA MOT CUNG (GOC)
Xdc dinh dau cta cdc gia tri luong gidc hoac biéu thirc

. . 3w
1/ sinx, cosx, tanx, cotx voi m < x < —.

2/ sin X—I—E , COS 3—FK—X , tan x— X , cot X—l—I voi 0<X<£.
4 2 2 2 2

3/ A —=sin40". cos(—2900). 4 B= sin(—25°).cos 170°.

5/ C =sin225 tan 130°.cot(—175°) . 6/ D = cos195". tan269". cot(—98°) .

. 0 0 . 0 21m

7/ E =sinb0 .COS<—300 ) 8/ F =sin215 .tanT.

9/ G:cotg—ﬂ.sin[—z—ﬁ]. 10/ H:cos4—ﬂ.sin3.tan4—ﬂ.cot9—ﬁ.
5 3 5 3 3 5

Tinh gi4 tri con lai cia gdc x, biét

1/ sinx = % v6i 90° < x < 180°. 2/ sinx = —% v6i 270° < x < 360°.
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3/

5/

7/

9/

11/

13/

15/

17/

19/

Sinxz—gvéiﬁ<x<3—ﬂ. 4/
3 . 0
cosx:gvo*l0<x<90. 6/
cosx = 2 véi — < x <0, 8/
J5 2
. 5 . ™
sinx = — VOl —<x<T. 10/
13 2
.. 3T
tanx:Svmﬁ<x<7. 12/
1 ..«
tanx = —— vOl — < x < T. 14/
2 2
tanx = S véi T < x < OF. 16/
4 2
2 . iy
cotx =— vo1 0 < x < —. 18/
3 2
.. 3T
cotx = -3 v017<x<211. 20/

1 . iy
cosx=—vol 0 <x < —.

4 2
cosx:—% vai 180° < x < 270°.

COSX = % voi 270" < x < 360°.

SinX:—é voi 180° < x < 270°.
,. T
tanx = —2 V0’1§<X<TY.
cotx=3vc'ri'n<x<3—ﬁ.
,. T
tanx = —V2 VO'1§<X<T(.

cotx:—\/gvo'rig<x<’rr.

cot15’ =2 +\/§

Bai 30, Tinh gi4 tri ctia cic biéu thirc lugng gidc sau
1/ Cho tanx = —2. Tinh: A, = 2COtx tdtanx =, - 2sinx + cosx.
Hcotx —4tanx cosx — 3sinx
3sinx — inx —3
2/ Cho cotx = /2. Tinh: B, = Sonx —COSX g SHXZJCOSX
sin X + cosx sinx + 3cosx
2si 3 2
3/ Cho cotx = 2. Tinh: C, = —omx T 3C8X 1y .
3sinx —2cosx COS” X — SIn X cos X
4/ Cho tanx — 2. Tinh: D1:281.nx+3cosx’ D2: 3s11‘1x—2005‘x ’
4sinx — 5cosx 5sin’ x + 4 cos® x
D — sin® x — cos® x D — sinx + bcosx _SCos3x—2sin3x—|—cosx
’ sinx+sin2xcosx’ sinx —2cos’x ° 2cosx — sin® x ’
D _ sin’x —2cos’ x + 2sinx + 3cosx
0 sin® x — cos® x + Hsinx '
5/ Cho sinx = >, 0 < x <~ Tinh | — Sotx T tanx,
5 2 cotx — tanx
. 1 8 tan® 3cotx —1
6/ Cho sinx = —, 90° < x < 180°. Tinh F — St X F5cotx—1
3 tanx + cotx
2 t 3t
7/ Cho cosx — —=. Tih G = SotX Fotanx
3 2cotx + tanx
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8/ Cho sinx = 2, 0 < x < 90°. Tinh H, = WUX—COSX "y TAMXCOSX o cotx.
3 cotx sin® x
9/ Cho cosx ==, T <x<m. Tinhl =SEXTOX 1y oy SOX
5 2 cotx — tanx 14 cosx
Bai31l. Cho sinx+cosx:2.Hﬁy tinh gid tri ctia biéu thirc sau
. 9
1/ A =-sinx.cosx. bS: A=—.
32
. V7
2/ B=sinx —cosx. bS: B:iT.
3/ C=sin’x —cos’x. bS C:iM.
128
Bii32. Cho tanx — cotx = 3. Hay tinh gid tri cta biéu thtc sau
1/ A =tan’x + cot’ x. bS: A =11.
2/ B =tanx + cotx. bS: B:i\/ﬁ.
3/ C=tan'x—cot'x. bS: CziBS\/E.
Bii 33. Cho sinx + cosx = m. Hiy tinh theo m gi4 tri cdc biéu thirc
1/ A =sinxcosx. 2/ B =sin’x + cos’ x.
3/ C=sin’x 4+ cos’ x. 4/ D:‘sinx—cosx‘.
5/ E =tan’x + cot’ x. 6/ F =sin’x + cos’ x.
Bii34. Tinh sinx, cosx, tanx, cotx.Biétring
1/ sinx+cosx=x/§. 2/ SiIlX—COSXZ\/E.
3/ sinx + cosx = % (HKII, Nguyén Thugng Hién — nim 2005)
4/ SinX—FCOSX:l. bS: é,—é;—é,—é.
5 5 5 3 4
5/ tanx +cotx =4. bS: 1 ; 2_\/5;24—\/5;2—\/5.
2 -3
Bai 35. Cho tanx —2cotx = —1. Hay tinh
1/ A =tan’x —cot’x. 2/ B =tan’x + cot’x.
3/ C=tan'x+2cot'x. 4/ D=tan’x —3cot’x.
Bai 36. Tinh gi4 tri ctia cic biéu thirc sau day khi

1/ Cho 3sin® x + cos’ x = % Tinh A = sin

*x +3cos’ x.

7

bS: A=

"Can cii bii thong minh
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1

2/ Cho 3sin® x — cos’ x = 3 Tinh B =sin'x +3cos'x. BS: B=1
s 4 4 7 . . 4 4 7 57
3/ Cho 4sin” x + 3 cos X:Z.Tlnh C=3sin"x+4cos” x.DS: C:Z Vv C:%.
CUNG GOC LIEN KET
Bai37. Biéu dién cdc sb do cua cung dudi dang o + k2w véi k € Z.
Sno5m lm law _2ln
2747 3 57 6
Bai38. Biéu dién cdc sb do cta cung dudi dang o + k360° voi k € Z.
370°, 512°, 765", —1000°, 1234°.
Bai39. Biéu dién cdc sb do cua cung dudi dang o + k2w véi k € Z.
8r 1lm 7w 18w 27w 25w
3757 27 77 10 4
Bi 40. Dung cung lién két (khong diing mdy tinh), hdy tinh céc gid trj sau
1/ sin150°. 2/ cot135°. 3/ cos225". 4/ tan210°.
5/ cot225°. 6/ sin240°. 7/ cos315". 8/ tan300°.
9 cot(-1380). 10/ cosllx. 11/ sinl3r. 12/ tanl0x.
13/ Cot7—ﬂ. 14/ cosﬁ. 15/ cot25—ﬂ. 16/ sin”—ﬁ.
6 3 3
17/ COSQQ—’K. 18/ tan45—ﬁ. 19/ cos —16—ﬁ . 20/ sin —ﬁ .
4 3 2
21/ cot|—2T . 22/ cos|—= 22| 23/ tan|— 20T 24/ sin|— 20T
4 3 6
Bai41. Dién ta gid tri lugng gidc clia cdc géc sau bang gia trj luong gidc cua géc x
1/ sin(x - 90°). 2/ cos(180° +x). 3/ sin(270" —x). 4/ sin(x—180").
5/ cos (X + 5400). 6/ (:0‘5(1800 + X). 7/ sin (X — 5400). 8/ tan(%o0 — X).
9 cos(450° +x). 10/ sin® (270" +x). 11/ cos’ (90" +x). 12/ cot” (180" —x].
Bai42. Dién ta gid tri luong gidc cua cdc géc sau bang gid trj lwong gidc ciia géc x
1/ cot (X — TY) . 2/ Sin(ﬂ + X) . 3/ tan (211 — X). 4/ cot(31r — X) .
. . | 5w 3m
5/ SIH(X—7TY). 6/ tan(x—5ﬂ). 7/ sin|—+x|. 8/ cos|— +x]|.
2 2
9/ Cotx—g—ﬁ. 10/ cos X—B—N. 11/ tanﬁ—kx. 12/ sinx+7—ﬁ.
2 2 2 2
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13/ sin® (7 + x). 14/ cos’(m—x). 15/ cot" (x —3w). 16/ cos’(x + 3m).
17/ cot? (X—5’JT). 18/ cos’ (x—’n). 19/ cos® X—Sl. 20/ cos®| = —x|.
2 2
- 2012 T 2 I 2013 7 . 1901 | OT
21/ sin x ——|. 22/ tan”|x ——|. 23/ cos” ’|x+—|. 24/ sin” |— —x|.
2 2 2 2
25/ cos™’? [x—%]. 26/ cot? [x—%“]. 27/ tan' %er. 28/ cos(x —2012m).
Bai43. Riit gon (don gian) céc biéu thirc
T
1 A =cos|x ——|+sin(x — 7).
ST IR
2/ B =cos T % + sin T x|-cos E+x — sin I4—x .
2 2 2 2
.| 7w 3w
3/ C:2cosx+3cos(fn—x)—s1n ?—x + tan 7—}( .
4/ D:QSin[g+x]+sin(5w—x)+sin[3§+x]+cos[g+x].
.| 7w 3T
5/ E =2cosx —3cos(t —x) + 5sin 7—}( + cot 7—){ .
6/ F:sin(5ﬂ+x)+cos x— = +cot(37v—x)+tan S—W—X .
2 2
7/ G:cos(lfm—x)%—sin X—3—W — tan|= + x|cot ﬁ—X .
2 2 2
8/ stin(’n%—x)—cos T _x +cot(27v—x)+tan 3—“—){ .
2 2
. |3 3T
9/ I:cos(5’n—x>—sm — + x|+ tan|— —x +cot(3’rt—x).
2 2
10/ J= cos(270° —x) —2sin(x - 4500) n cos(x T 9000) n 2sin(270° - x).
11/ K =sin’ x+E + sin’ x+E + sin’ X+3—TY +Sin2(x+’n).
4 2 4
12/ L=sin® T +sin® ™ +sin’ T + sin? 2% 4 sin? 9% 4 sin? |
3 6 9 9 8
13/ M = cos™" x + cos™"* ('ﬂ + x).sin2012 ('ﬁ + X) — sin*™"! [g — X] .
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Bai 45.

14/ N =sin’ (TY + x) + cos’ (x — ’TY) — 2sin’ (X + 211) — sin* [X —32—ﬁ

tan [19ﬁ —X .COS(SGT( — X).sin (X - 511)
15/ O =
sin [% — X] .Ccos (x — 9911)
2
16/ P =sin X+85—1T +cos(207ﬂ+x)+sin2 (3311 —I—X) + sin® [}(—3—TY .
2 2

Riit gon va tinh gi4 tri ctia biéu thirc (khong diing mdy tinh)
1/ A =cos0” + cos20’ + cos40’ +...... + cos180°.
2/ B =co0s20" + cos40’ + cos 60" +...... + cos180°.
3/ C=cosl0’ + cos40’ + cos70° +...... + cos170°.
4/ D =tan20" + tan40’ + tan 60’ + ...... + tan 180°.
5/ E =cotl15” + cot30° + cot45” +...... + cot 165°.
6/ F =sin5’ +sinl0’ +sinl5" +...... + sin 360".

7/ G =cot195° + cot210° + cot225° + ...... 4+ cot 345",
8/ H = cot15’.cot35".cot 55".cot 75°.

9/ I=tan10".tan20"tan30"...... tan 80".

10/ J =tan1’tan2".tan3"...... tan 89"

11/ K =sin’28° + sin® 36" + sin” 54° + cos® 152".

12/ L =cos’2" +cos’ 4" + cos® 6" +...... + cos” 88".
13/ M =sin’10° + sin® 20 + sin®30" + ...... 4+ sin® 90°.
14/ N = cos’10% + cos® 20° + cos” 30" + ... + cos” 180".
15/ O = sin20" + sin40° + sin60” + ... + sin 340° + sin 360" .
Riit gon va tinh gid tri ctia biéu thire (khong diing mdy tinh)
1/ A= cos(—315°).sin 765° .

2/ B =sin32"sin148" — sin 302".sin122".

3/ C =sin810".cos540" + tan135". cot 585".

4/ D =sin825". cos(—15°) 1 cos 75", sin(—555°).

5/ E =2tan540" 4+ 2¢cos1170" + 4sin990°.

sin(—234°) ~ cos216"

0
- 5 —-tan36".
sin144" — cos126

6/ F=

2 /TY
+ cos”|x ——].
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sin(—324" ) + cos 666"
_ sin(-324')

7/ .cot 36".
sin 1206" + cos 36"
sin(—328°).sm 958" cos(—5080).cos(—1022°)
8/ H= g — .
cot 572 tan(—2120)
Ccos (—2880>.cot 720
9/ I= — tan18".

tan(—1420).sin 108"

10/ J=2sin(790° + x) + cos(1260° — x) + tan 630" + x). tan (1260° —x].

] 25in 250", cos (188"

11/ K= + .

tan 368° 2c0s638" + cos 98"

(cos 44" + tan 2260) .cos 406"
12/ L= —cos72’.cot18".

cos 316"

tan 46°.sin 44° + cot (— 1360) sin 404"

13/ M= — tan 36°. tan 54°.
cos 316"

sin(—328°).sm 958" cos(—5080).cos(—1022°)

14/ N = - .
cos 572° tan(—2120)
. 4z 17w
SIn— + cos——
15/ O = 3 6
. 23x 107:]
Siln —— + CcoS| ———
6

sin(—4,87).sin(—5, 7w cos|(—6,7m]|.cos(—H, 8w

oy p_snltssin( 5 7) (-6 7m)on( 555]
cot(—5, 21T) tan(—6, 21T)

Chung minh rang néu A, B, C 12 ba géc ciia mot tam gidc thi
1/ sinB:sin(A+C). 2/ COS(A+B):—COSC.
3/ sinA+B:cosg. 4/ COS(B—C):—COS(A+QC).

2 2
5/ COS(A+B—C):—COSQC. 6/ sin(A+2B+C):—sinB.
7/ cot(A—B—I—C):—cotQB. 8/ cos%z—sin?A.
9/ sinM = cosC. 10/ tamM = COtE.

2 2

11/ COS#:—SHIB. 12/ Cotw:tan%.
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@ sin(a + b) = sina.cosb + sinb.cosa @ sinf{a —b) = sina.cosb —sinb.cosa .
® cos (a + b) = cosa.cosb — sina.sinb @ cos (a — b) = cosa.cosb+ sina.sinb.
3 tana + tanb / \ tana — tanb
® tan(a thjl= —————. ® tam(a. —b)=- :
/" 1—tana.tanb 7 1+ tana.tanb
Hé qua:
T ‘ 1+ tan o T 1—tan«
® tan|—+aj=—"—1717"".""=7. @ tan|——o|=—F"—.
4 ] 1—tane 14 tan« 7

BAI TAP AP DUNG

Bai47. Khong ding may tinh. Hay tinh gié tri clia cAc biéu thirc

1/ A =sin12% cos48" + cos12".sin 48°.
2/ B =cos38".cos22’ —sin38".5in22°".
3/ C =sin10"cos55° — cos10’.sin 55".
4/ D =sin36"cos6” —sin126". cos 84"
5/ E = cos112%cos23" —sin112%sin23".

6/ F =sin200"sin310° + cos 340".cos 50°.

7/ G =cos11".cos21° 4 c0s69".cos 79" — cos10°.

8/ H = cos68".cos78” + cos22’.cos12° — sin100".

9/ 1= cos(—53°).sin(—337°) + sin307°sin113°.

Bai48. Tinh gia tri lugng gidc cua cac cung goc sau

1/ 15°. 2/ 75°.
5/ 19—W 6/ 5—“
12 12
Bii49. Tinh gia tri ciia cac biéu thirc sau
U A 1+ tan15’
1—tan15"
3 C— sin10” cos20” + sin 20° cos 10"
cos17” cos13” — sin17° sin13°
5 [ sin 73 cos 3° — sin 87" cos 17"

B c0s132° cos62° + cos 42° cos 28" .

3/

7/

2/

4/

6/

105°. 4/ 285°.
I y 1T
12 12

tan 25° + tan 20"

B= :
1 —tan25” tan 20"
D tan225” — cot 81" cot 69"
cot 261 + tan 201° '
F - oot 225" — cot 79° ot 71"

c0t259° + cot 251°
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7/ G = cos® 75" —sin® 75", 8/ H =sin?20" + sin? 100° + sin® 140°.
9/ 1= cos’10° 4 cos110° + cos®130°.

10/ J = tan20". tan 80° + tan 80" tan140° + tan 140°. tan 20°.

11/ K = tan10".tan 70" 4 tan 70". tan 130" + tan130". tan190° .

12/ L =sin160° cos110° + sin 250 cos 340° + tan110° tan 340°.

13/ M= (cos 70° + cos 500) (cos 310° 4 cos 2900) + (cos 40° 4 cos 1600) (cos 320° — cos 380°|.

Tinh gid tri ctia cac biéu thic sau

1/ A =cosx biétSinX:iVﬁ0<X<g.

V3

2/ B=sin T x| viét cosx——E Va11<x<ﬂ
3 13 2

(N
X+ —
3

3/ C:cos(x—300) biét tanx=x/§ va 0 < x < 90°.

4/ than[x%—%] biétsinx:gvég<x<ﬁ.

5/ E:cos[ﬂ—x] biét sinX:—1—2 vég—“<x<2’ﬁ.
3 13 2

4
6/ F =cot|x— z bletsmx———va1r<x<3—1T
4 5 2
T| .z T
7/ G =tan|x + —| biét cot| — —x|=2.
4 2
T
8/ H=sin 2x+4 biét cotx = =
£ 1 1
9/ I:cos(a+b).cos(a—b) bletcosaZE va cosb =—.

Bibt sina — % (00 <a <90 ) va sin = %, (900 < B < 180°). Hay tinh gi4 trj ctia biéu
thirc A = cos(oc B) va B= sin(a — B).

8
17’
A:Sin( ) —COS(OL+B) VéC:tan(&+B).

S NPT S S
Biét sina = tanb :E va o, B la cac géc nhon. Hay tinh gid tri cia cac bi€u thirc

Ch00<0c,B<g,oc+B—£ a tana.tanpB =3 — 2\/_

1/ Hay tinh tan (04 + B); tana + tanf3. 2/ Tinh tano; tan(B.Suyra o va 3.
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T USRS S
Cho o —f = 3 Tinh gié tri ciia céc biéu thirc

1/ A= (cosoc + cos 6)2 + (sinoc + sin 6)2 . 2/ B= (cosa + sin 6)2 + (cosB — sin u)Q.

Riit gon cdc biéu thirc

1/ A:Sinx—\/gcosx. 2/ B:\/gsin7x—cos7x.
. 2 2 . T . T

3/ C=asinx + bcosx, (a +b :t()). 4/ D:\/gsm[x—g + sin X+E

5/ E:COS7X.COS5X—\/gsin2X+Sin7X.Sin5X. 6/ F =+/3cos2x + sin2x + 2sin QX—E].
. T . . . iy

7/ Gz?sm[Qx—g +4sinx +1. 8/ H:sm2x+2\/§cosx+251n X+Z +3.

Riit gon céc biéu thirc
1/ A =sinxcosbx — cosxsinbx.
2/ B =sin4xcot2x — cos4x.

3/ C=cosbxtan3x —sin6x.

4/ D:sin(x+y)cos(x—y)+Sin<x—y)cos(x+y).
5/ = cos (400 — X) cos(x + 20 ) sin(400 — X)sin (X + 200).

6/

sin (1 + 2x) cos(16 — zx) + Cos(14 + zx) sm(16 — 2x)

7/ = sm(x+10 )cos(?x—800)+81n(x+100 )cos(?x—i—l()o).
8/ H=sin x——cos——x —I—smﬂ—x cos|x — 2.
4 3

T T T 3T
9/ I=cos|x——|cos|x+—|+ cos|x+—|cos|x +—

3 4 6 4
10/ J=sin x — ~|cos g—ﬂ—x —sin 5—“—}( cos 5—ﬁ—|—X .

3 4 4 3
11/ K = cos x — = lcos|x — =~ + cos X—I—E cos X—l-E

3 4 6 4
12/ L = cos x — = lcos X—I—lS—TY + cos X+13—TY cos X+3—TY

3 4 6 4
Riit gon céc biéu thirc sau
1/ A= tan 3x — tanx ' 2/ B:tan2x—|—1'

14 tanx tan 3x 1—tan2x
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tan2x + (:01:(900 + X)

3/ C= . 4/
14 c0‘5(90O — 2x) tan x
Riit gon cic biéu thirc sau
T
1 A =sin(a + b)+sin|——a|sin(—b).
/A snfa )] § a0
2/ B:cos[i—a]cos[i—b]—cos(a—b).
2 2
3/ C=cos| > +alcos|~ —a|+=sin’a
4 4
4/ D=sin’asin’b—cos’acos’b.
QSin(a+b)
5/ E= —tanb.
cos(a+b)+cos(a—b)
Riit gon cdc biéu thirc sau
1/ A:COSQX—\/gsiHQX—SiHQX. 2/

3/ C:sin(x+450)+cos(x—l—450). 4/

5/ E =tan2x + cotx — 8cos’ x.
Chtng minh céc ding thirc sau

1/ sin2x = 2sinxcosx.

2/  cos2x = cos’ x — sin® x.

3/ tan2x = _2tanxe

1—tan’x
4/ sin3x = 3sinx — 4sin® x.

5/ cos3x =4cos’x — 3cosx.

6/ cosx+sinx = \/ECOS[X—E] = \/Esin

(N
X+ —

7/ COSX—SiIlX:\/ECOS 1

N
X+ —
4

D— tan? 2x — tan® x

1—tan?2xtan® x .

B= 4sin3x—351nx+\/§cos3x.

D = tan3x — tanx — sin 2x.

= —\/Esin[x—g].

8/ sin (X + y) sin (x — y) =sin’x —sin’ y = cos” y — cos” X.

9/ cos(x + y)cos(x — y) = cos’x —sin’y = cos’ y — sin® x.

Chting minh céc ding thirc sau

1/ Sinz—kx —Sing—x]:\/;sinx.
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2/

3/
4/
5/

6/

7/

8/

9/

Asin x+§ sin

X—E]=4Sin2X—3.
3

sinxsin(y—z) —I—Sinysin(z—X)+sinzsin(x—y) =0.
Cosxsin(y—z) +Cosysin(z—x) +Coszsin(x—y) =0.

tan(x + y) —tanx —tany = tan(x + y)tanxtany.

E—X tan I—x =1.
3 6

0 T 2T 27
tan x.tan X—l-g + tan X+§ .tan X—|-? + tan X—l-? tanx =

+ tan

+ tan2x tan[g —X

tan 2x tan [% —X

cos[x—g].cos[x+£]+cos[x+%].cos[x+%‘] = g(l—\/g).

-3.

(cos 70° + cos 500) (cos 230° + cos 2900) + (cos 40° + cos 160") (cos 320° + cos 3800) =0.

Bii 62. Chung minh céc dang thirc sau

2/

3/

4/

cos(a—b) _ cotacotb+1
cos(a+b) ~ cotacotb—1"

Sin(a—b) sin(b—c)_ksin(c—a)zo‘
cosacosb  cosbcosc  cosccosa

Sin(a + b)sin(a ~ b) = tan’a — tan’b.

cos? acos’ b

cos(a+b)COS(a “b) —=1—tan’atan’b.

cos® acos® b

Bai 63. Chung minh cédc h¢ thuc sau, véi diéu kién cho trude

1/

2/

3/

4/

5/
6/

Néu cos(a + b) =0 thi sin (a + 2b) =sina.

Néu sin (2& + b) = 3sinb thi tan (a + b) =2tana. HD:
2a+Db

Néu tana = 2tanb thi Sin(a +b) = 3sin(a —b).

b:(a+b)—a ‘
=(a+b)+a

Néu tana.tanb = —% thi cos (a + b) = 2cos (a - b). HD: Khai trién gia thiét.

Néu 5sinb = sin(2a +b) thi tan(a +b) = gtana.

Néu sinb = sinacos(a +b) thi 2tana = tan(a —I—b). HD: b= (a —I—b)—a.
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7/ Néu cos(2a+b) =1 thi tan(a —I—b)— tana = 2tang.

8/ Néu cos(a + b) = kcos(a — b) thi tanatanb =

Bii 64. Ching minh cdc dang thirc sau

sin(a —I—b+c)

cosacosbcosc

1/ tana+ tanb 4 tanc —tanatanbtanc =

2/ cos® x + cos (X+y) +cosz—2(:osxcosycos(x+y) =1.

(Thi hoc ki II truong THPT chuyén Lé Hong Phong — Tp. HCM nam 2007)

Bii 65. Chung minh céc biéu thirc sau doc 1ap voi bién x

1/ A = sin® x + cos|~ — x|cos| = + x|.
3 3
2/ B =cos’x + cos’ g—l—x —I—COS?[g—X].
3/ C =sin®x + sin® %K—kx +sing[%ﬁ—x]‘
4/ D = cos’x + cos’ )(4—2?TY —I—COSQ[X—%K].
3 o 03 .
5/ p_ 2008’ X COS3X+aSH1 %+81n3x, o = const .
COS X sin x

T
—+x
3

Bii 66, Chung minh rang: tanxtan [g - X] tan

P = tan10’ tan 50° tan110°".
Bii 67. Cho tam gidc ABC véi A,B,C lan luot 13 ba géc cua tam gidc. Chimg minh

1/ sinC =sinA.cosB 4 sinB.cos A .
2/ sinA =sinBcosC+sinCcosB.
3/ cosA =sinBsinC — cosBcosC.

4y —SMC A+ tanB, (A,B - 900).
cosA.cosB

5/ tanA 4 tanB + tanC = tan A.tan B.tan C, (A,B,C¢900.

6/ cotA.cotB+ cotB.cotC + cotC.cot A =1.

. B . B .
7/  sin— = cos—cos— — sin—sin—.
2 2 2 2 2

8/ cos—= sinEcos— — cos—sin—.
2 2 2 2

S a+2b:(a+b)+b'
1+k a:(a+b)—b

= tan 3x . Tlr d6 tinh gi4 tri ctia biéu thirc

"Can cii bii thong minh............
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9/

10/

11/

12/

13/

14/

tané.tanE + tanE.tan% + tan;.tan; =1.

co‘cé%—cotg—l—cot9 = coté.cotE.cotg.
2 2 2
cotB—i—.CLC = cotC—i—‘CLB, (A = 900).
sin B.cos A sin C.cos A

C

COS—.COS—.COS— = Sin—sin — cos — + sin — cos—sin — + cos— sin—sin—.
2 2 2 2 2 2 2 2 2 2 2

. 2 A . 2B . 5 C . A B.
sin“ — 4+ sin“— +sin“— =1+ 2sin—sin—sin—.
2 2 2 2 2

sin A cosBcosC + sinBcosCcosA +sinCcosAcosB =sinAsinBsinC.

Bii 68. Cho tam gidc ABC véi A,B,C lan luot 1a ba géc cia tam gidc. Chimg minh

1/
2/
3/

4/

5/

tan A 4+ tanB 4+ tanC > 3\/5, Vv A,B,C nhon.
tan® A + tan’ B+ tan’C > 9, V A,B,C nhon.

tan® A + tan® B + tan® C> 81, V A, B,C nhon.
tam?é—i—taunQE—|—taun29 >1.
2 2 2

tan% + tang + tan% > \/g

HD:

1/, 2/, 3/, st dung tan A + tan B + tan C = tan A.tan B.tan C va bat dang thuc
Cauchy.

4 / sir dung bat dang thirc b6 dé a® +b? 4 ¢* > ab + bc + ca va
A B B A
tan—.tan— + tan—.tan9 + tang.tan— =1.
2 2 2 2 2 2

2
5/ khai trién tan% + tang + tan% va str dung cau 3 /.
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Yoo

Cong thire nhan doi

® sin2a =2sino.coso.

v 9 .9 . 2 a2
@ cos2ae=cos T a—sin" o =2cos"ax—1=1—2sin" «.

, 2tana
® tan2a = ——.
1 —tan™ «
, cot" o —1
@ cot2ae = ————
2cota
Cong thirc ha bac Cong thirc nhin ba (md rong)
L 1 — cos2a . . L
@ sin‘a = f ) @ sinda= 3sina —4sin® o,
2 1+ cos 2« . )
@ cosTa= f . @ cos3a=4dcos” o« —3cosn.
. 1— cos2a 3tana — tan® o
@ tan’o= ———. ® tan3o= "= rz
1+ cos 2« 1—3tan” o

BAI TAP AP DUNG

RUT GON VA TINH GIA TRI CUA BIEU THUC

Tinh gia tri ctia cac biéu thirc sau (khong ding may tinh bo tai)

1/ Azcong—SmQQ. 2/ B=3cos10” —4cos®10°.
3/ C=sin20" (1 — 4cos? 200). 4/ D= 4sin® 40" + 35in130".
0
5/ E =4sin®50° + 3cos140°. 6/ F—_ronlo
1— tan®15°
7T
tan —
7/ G=—8 | 8/ H——1 _ V3 .
1—tan2 ™ sin10”  cos10"
1 . 0 9 T 2 T
9/ 1= —4sin70". 10/ J = tan®— 4 tan” —.
sin10" 12 12
11/ K = tan® 36" tan® 72". 12/ L = cos® 70" + sin® 40" sin 100°.

13/ M = cos?20° + 2sin?55° — v25in65°. 14/ N= sin6".sin 42°. sin 66°.sin 78",

"Can cu bu thong minh............

Ths. L& Van Poan




Ths. L& Van Poan Chuong 5. Cung géc luong gidc — Cong thuc lugng gidc

Bai 70. Tinh gi4 tri ctia cic biéu thirc sau (khong ding mdy tinh bé tii)

1/ A =cos36°cos72. 2/ B:cosgcos%.
3/ C = sin—.cos—~ cos—. 4/ D = sin—.cos—.cos—.

8 8 4 16 16 8

100 o 0 0 T 2m 4
5/ E =5sinl0"sin50" sin70". 6/ F = cos—cos—cos—.
7 7 7

T 4'“ 57( . 0 0 0 0
7/ G= cos?cos7cos7. 8/ H =sin6 cosl2 cos24” cos48”.
9/ 1=sin6"sin42" sin 66" sin 78°. 10/ J=sin5"sin15"sin25".... sin75°.sin85’.

11/ K = cos10".cos 20" cos 30°...cos 70°. cos 80° .
12/ L= 8 tan 18" cos18° cos 36" cos 72°.
13/ M = cos20° cos 40° cos 60° cos 80°.

14/ N = COSECOS2—WCOS?’—T(COS4—N.
9 9 9 9

15/ O = QGﬁsinlcoslcosicosicosz.
48 48 24 12 6

16/ P= cosz—ﬁ.cos—.cos—.cos—.cos—.
31 31 31 31 31

17/ Q= coslcos2—ﬁcos4—cos—cos—.
33 3

18/ R= cosl.cos2—ﬁ.cos3—“.cos4‘—7T.costra—ﬁ.cos6—ﬁ.cos7—1T

5 15 15 15 15 15
Bai71. Tinh gid tri cia céc biéu thirc sau (khong diing mdy tinh bo tii)
cos 80" + cos 20"

c0s35° cos15° — sin 35° sin15°

1/ A=

sin 60°

2/ B=3sin15"cos15’ — .
sin 15° — cos* 15°

3/ C=tan9’ —tan27" — tan63’ + tan81".

4/ D= Atan = + 2 tan—— + tan — — cot—.
8 16 32 32
Pai hoc Qudc Gia Ha Nbi khdi B nam 2000

cos? 696° + tan(—2600)tan 530° — cos? 156"
5/ E— .

tan? 252° + cot? 342°

Bai 72. Riit gon céc biéu thiic
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2
1/ A:(sinx+cosx> . 2/
3/ C=sinxcosxcos2x. 4/
5/ E = cos® x—l—I — sin? x—l—E . 6/
2 2
. . ™ . T
7/ G =4sinxsin X+5 sin 2x+§ . 8/

9/ 1= sin8x +2cos’ (450 + 4X).

B=1-—4sin?xcos’x.
D = cos* 2x — sin®* 2x.

F = sinx cosx cos 2x.

X . 9| T X
—|—sin"|———].
2 8 2

2

H =sin E—k
8

10/ J :Sin2x+0082x—200|sx(sinx+oosx) +1.

Tinh gid trj cta cdc biéu thic sau (khong diing mdy tinh bo tii)

2

J— P— 3 2
1/ A= ?cosx 1. 2/ B= 1 2s111.2x.
SIn X 4 cos X COs2x — sin 2x
2 2
3/ C= . 4/ D:(l—tan X)COtX.
(1 — tan x)(l + cot X)
5/ E:s1‘r12x_cos2x. 6/ F:cotx—tanx
sinx COSX CcoS 2X
1+ sin ?;K—x] 29 Lin?
7/ G = . 8/ H=——— "0 %
1+Sin[ﬂ+x] sin“2x +4sin“x —4
2
9/ _ sin 4x ‘ CcOoSs 2x . 10/ J:SII.I?)X—COS?)X'
1+ cosdx 1+ cos2x sinx + cosx
0y
1+ cos|—+x
T X 2
11/ K = tan|—+ —|. 12/ L = cot2x + — + tanx.
4 2 R ] 2sin 2x
sm|— -+ x
2
. . Q(Sin2x +2cos’ x — 1)
13/ M = L—cos2xtsindx o 14/ N = ' A
14 cos2x + sin2x COSX — sin X — cos 3x + sin 3x
) ) oy 1 1
15/ O:\/l—l—smx—l—\/l—smx, 0<x<—|. 16/ P=— + = - + cot 8x.
4 sin2x  sin4x  sin 8x
17/ O:\/l—sin2x —I—\/1+sin2x, —£<X<£ .
Tinh gi4 tri ctia biéu thirc lugng gidc, khi biét
1/ sin2x, cos2x khi SiHX:g, g<X<’K.
2/ sin2x, cos2x khi sinx + cosx :\/5.

"Can cii bii thong minh............
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Bai 75.

3/ cos2x, sin2x, tan2x khi cosx = —%, T<xX < %ﬁ

4/  cos2x, sin2x, tan2x khi tanx = 2.

5/ sinx, cosx khi sin2x :—é, Tex <3—W.
5 2 2

6/ cos2x, sin2x, tan2x khi tanx = g

7/ sin2x, cos2x, tan2x khi tanX:2—\/§, 0<X<g.
Tinh gi4 tri cta biéu thirc lvong gidc, khi biét

. . 2 A T
1/ A =sin® xcosx — cos” xsinx khi biét x :E.

. . . g ok ™
2/ B =sin"x +sin’® x cosx — cos® xsinx + cos” x khi biét x :4—8.

3/ C = cos4x khibiét tanx + cotx = 3.

4/ D =cos (2700 + 4X) khi biét cot (450 + X) =25

5/ E= sin® x + cos® x khi biét sinx + cosx =m véi m € R.

6/ F— tanx — cotx

S A 3
khi biét sinxcosx = T,

J5 ~1
&

Tinh gia tri lugng giac ciia (khdong dung may tinh bo tii)

T
= 0<x<—
tanx + cotx 4

Ching minh rang sin18° =

1/ cosl15°. 2/ cos18’. 3/ sin36". 4/ cos36".

Tinh tan% khi biét

4 24
1/ COSX:—,O<X<E. 2/ tanX:—,ﬂ<X<3—W.
5 2 7 2
. 7 T
3/ sinx+cosx=—, 0<x<—.
2 6
1 T . 1 iy
Cho tanx =—, [0<x < —|vatany=—, |0<y<—]|.
2 2 3 2
1/ Tinhx+y. 2/ sin(x—Qy) va cos(2x+y).
Tim x khi biét
T
tanX:\/§—1 COSX:M
4
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Bai81. Tinh theo cos2x cdc biéu thic sau
1/ A=1+cos’x.
1+ sin® x

COS2 X

3/ C=

5/ E =sin®x 4 cos’ x.

Bai82. Tinhtheo t = tang céc biéu thirc sau

2/
4/

6/

B = sin® x cos® x.

D:1+cot2x

1—cot2x'

. 2 .2
F = sin® x cos® x + cos® x sin® x.

1/ A =sinx. 2/ B=cosx.
3/ c=_x 4/ D =tanx +cotx.
3 —2cosx
5/ Ezl—tanx' 6/ F:tanx+s.1nx'
14 cotx tanx —sinx
CHUNG MINH PANG THU'C
Bai83. Chung minh céc dang thirc sau
1/ cos'x —sin® x = cos2x. 2/ s,illélaczéltsinxcosx(l—2:311{12 X).

2 .2
3/ cos”2x —sin” x = cosxcos 3X.

5/ 8sin! x = 3 — 4 cos2x + cos 4x.

4

. 4 )
7/ sin 4 cos” x —6cos” xsin” x = cos4x.

6

9/ sin®x—cos®x = Ecos2x —l—iCOSGX.
16 16

8

1
11/ cos®x —sin®x = gcos%( —|—§COSGX.

4/
6/

8/

cosdx = 8cos? x —8cos’x +1.
sint+ cos’ x = é—l—lcosélx.
4 4

6

. 6 5 3
sin” X +cos’ x = — + —cos4x.
8 8

10/ sin® g - Cosﬁg = icosx(sim2 X — 4).

13/ ajs3xcns3x—sin3xsin3x:3(sin4x+cns4x) 2,

B3i84. Chung minh ring néu a +b = E thi (1 + tana)(l + tanb) =2.

Bai85. Chung minh cdc dang thirc sau

1/ ﬂ = tanx.
sin 2x

3/ cotx —tanx = 2cot2x.

14 cosx 9 X

5/ ——.tan"—=1.
1—cosx
T T T X 2
7/ tan|—+ —|+cot|—+—|= .
4 2 4 2 COS X

2/

4/

6/

8/

tanx + cotx = — .
sin 2x

COS X T X
— =cot|———|.
1—sinx

+ cot2x = cotx

sin 2x

(tan 2x — tan X) cos2x = tanx.

"Can cii bii thong minh............
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9/

11/ cos3xsin® x + sin 3x cos

iy
tan|{— 4+ x
4

3

—tan[%—x] = 2tan2x. 10/ cos® xsinx — sin

X = %sinélx. 12/ tanxtan[g—x].tan

1 .
3 xcosx = 5s1n4x.

= tan3x.

™
_+X
3

2
13/ tanx+tanx+l; +tan x+—; —3tan3x. 14/ cotx —tanx —2tan2x —4tandx = 8cot 8x.
Bai86. Chung minh céc dang thirc sau
. . 92
1/ 1—|—SlnX: tl—i. 2/ tan2x + 1 :1 2§1n X.
COS X Ccos 2x 1 —sin2x
3/ 25in2x + sindx = tan2x cosx. 4/ m:taHQX-FCOtQX.
2 (cos X + cos 3X) 1— cos4x
. 2
5/ 1 2?111 X _ 1 tanX. 6/ +1 taniztanx
1+ sin2x 1+ tanx COSX 2
1 in2 2sinx — sin 2
7/ 1t simax = tan 3—I—X . 8/ s.mx s%n X :tanzi.
Cos 2x 4 2sin x + sin2x 2
Sinx—l—SinX
1 — 2sin? 9
9/ S X =1. 10/ — tan—.
iy 9| T b'q 2
2tan|— 4+ x|cos” | —+ x 1+ cosx + cos—
4 4 2
11/ 1—‘cosx—|—f1032X:COtX. 12/ 1+ cos4x :lsinélx.
sin 2x — sin X cotx —tanx 2
13/ sin 2x cos x — tan X 14/ sin! x — cos® x 4 cos® x —cost X
(1 -+ cos 2X)(1 + cos x) 2 1(1 — COoS X) 2
6+ 2cos 4 ’ 4
15/ cot2x+tan2X:ﬂ. 16/ cot~ — tan—| = .
1— cos4x 2 2 1—2tanxcot2x
2 .92
2x —1 1 1-2
17/ COt—X—COS8XCOt4X:SiI18X. 18/ tan2x + = ?m <.
2cot2x Ccos 2x 1 —sin2x
19/ tandx — 1 :s‘1n2x—cos2x.
cos4dx  sin2x + cos2x
20/ cosx—l—s‘mx_cosx—s%nx:QtaHQX'
COSX —SInX CosX +sinx
X . X
CcosS — — sin — 1
21/ 2 2 —tanx.
b'e . X  COSX
COS— + Sln —
2 2
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22/ 1+ cosx + cos2x + cos 3x — 9cosx.

2cos’ x 4 cosx — 1

23/ 2 ‘1 + cot2x | = cot~ — tan—.
sin 2x 2 2

.4 . 4
2% —
24/ Sln- X + sin2x — cos X:cos2x.
tan2x —1

) .92
25/ sin” 2x — 4sin” x — tanx.
sin® 2x + 4sin® x — 4

. 2 2
sin“ 3x  cos” 3x

26/ S = 8 cos2x.
sin” x cos” x

cos’ x —cos3x  sin® x + sin 3x _

27/ - 3.
CoS X sin x
1 in 2
28/ |14 tanx + 14+ tanx — ]:smx'
CcOS X CcOSX cos? x
Chung minh céc ddng thirc sau
1/ A= cos X cos - cos ... cos— = @
2 22 23 2Il & a
2°.8in —
211
2/ B = cos .COS 2T o COS—2 :i.
2n +1 2n+ 1 2n+1 on
2T 4w 2nm

3/ C = cos .COS ... COS = .
2n+1 2n+1 2n+1 2

4/ D= l+l\/l+l1/l+lcosx :cosf,
2 2V2 2\V2 2 8

Chting minh céc biéu thirc sau ddy khong phu thudc vao bién sd

1/ A:s1n2x—281nx+tan2§.

sin 2x 4+ 2sinx

3 .3 .
cos” X —cos3x  sin” x + sin 3x
2/ B= + - .
COSX sin x

3/ C= 4sin4x+20082x—%cos4x.

4/ D =3cos2x + 5sin’ x + 4sin® x cos® x — cos” x.

2
-1
5/ E= mTXCOtX + cos4x cot 2x + sin4x .

0<X<E.
2

"Can cii bii thong minh............
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6/ F = sin? x + sin* x—l—% + sin® X+g + sint X+%TTY .

BIEN POI THANH TiCH

Bii 89. Bién ddi thanh tich céc biéu thic sau

1/ A= (2sinx—1)(2008){+sinx)—sin2x—|—cosx.

2/ B:(200sx—1)(251nx+cosx)—sin2x+sinx.
(

Q
I

3/ 2sinx—1)(2cos2x+2sinx+3)—4sinzx—|—1.

4/ D:(2C0$X—1)(2cosx+281nx+1)+4Sin2x—3.
5/ E:(251nx+1)(3cos4x+281nx—4)+4c082x—3.
6/ F =1+sinx-+ cosx + sin2x + cos2x.

7/ G:1+cosx+cosQX—Sinx(1+cosx).

8/ H:(1—|—Sin2X)COSX—Sin2X—|—(1—|—COSZX)SiIlX—1.

Bai90. Bién ddi thanh tich cdc biéu thirc sau

1/ A =sin®xcosx — cos® xsinx.
. 3 3 .
2/ B=sin"x+cos’ x —sinx + cosx.
i3 3
3/ C=sin"x+ cos” x —cos2x.
2 .
4/ D =cos’x+sin’ x + cosx.
9 J
5/ E =cos’x+ cos’x +2sinx — 2.

6/ F =cos’x+sin’x+2sin’x—1.

Bai91. Bién ddi thanh tich céc biéu thic sau

1/ A =sin2x+ cos2x + cosx —sinx.
2/ B=sin2x+ cos2x + 3sinx —cosx — 2.
3/ C=cos2x —sin2x + 3sinx 4+ cosx — 2.

4/ D:sin2x+cos2x—|—2(cosx—sinx)—3.
5/ E =9sinx 4 6cosx — 3sin2x 4 cos2x.
6/ F =sin2x+42cos2x +4cosx —sinx —1.
7/ G:(2cosx—1)(sinx+cosx)—1.

8/ H=2sin2x —cos2x —7sinx —2cosx + 4.
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® Cong thire bién doi tong thanh tich
. a+b a-b sin{a + b)
® cosa-+cosh = 2cos — . COS ——. e fana + tanb = —.
2 2 COSa. Cos D
__a4b . a-b sin(a — b)
® cosa—cosh = —2sin .sin . ® tana—tanbh=—-—+.
2 2 cosa.cosb
. . .. a+hb a—>b sin{a + b)
® gsina+sinb = 2sin——.cos . ® cota+coth = ——=.
: 2 sina.sin b
. . . a+b . a—b sin (b — a)
® sina—sinb = 2cos——.sin——. ® cota—coth = ——=.
2 2 sina.sinb

& Hé qua

. \/— . T [
® sino+coso = V2.8in|o +I = +/2.cos

(‘\é—3 .

a+:)
‘ 4,

® sino—coscy =V2sin (\—Z = —+2cos

@ Cong thirc bién ddi tich thanh tong

® cosa.cosh = %ircos(a — b) + cos(a. + b)l

\]

e sina.sinb = %{cos(za — b) — cos(a + b)J

5

e sina.cosb = %[sin (at — b) + sin (a, + b)] .

BAI TAP AP DUNG

CONG THU'C BIEN POI TONG THANH TIiCH

Bii92. Tinh gia tri cia biéu thirc

1/ AZCOSQX—COS4X Khi x — 207

sin 4x — sin 2x

2/ B= cos X.cos 13x Kkhi X:l.
cos 3x + cos bx 17

3/ C= cos x.cos 10x Khi X:l.
cos2x + cos4x 13
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4/ D= MBS gy =2
tan 2x + sin 2x 15
5/ E= sin x + sin 2x + sin 3x Kkhi sinle, E<X<E‘
cos X + cos 2x + cos 3x 3 4 2
Bai93. Rut gon biéu thic
1/ A_1—2COSX 2/ B_\/g—Zcos?)X
1+ 2cosx \/§+200s3x
3/ C— 1—2cos2x 4/ D_\/5—2sin2x
J3 + 2sin2x V2 4 2sin2x
5/ E_sin5x—sin3x 6/ F_cos4x—cosZX
2cos4x sin4x + sin2x
7 Q= Sin(X+Y) 8/ H— sinx + siny
sinx+siny' cosx+cosy'
COSX + sinx sin® 4x — sin® 2x
9/ [=————. 10/ J = .
/ COSX — SIn X / cos® x — cos® 2x
11/ K = sin” 4x 12/ L= sin 2x
2008 X + 08 3X + coshx | tanx + cot2x
13/ M= tan 3x + tan bx 14/ N = tan 2x + cot 2x
cot 3x + cot hx 1+ tan2x.tan4x
15/ O_1+sin2x+cos2x 16/ P_1+sin4x—cos4x
1+ sin2x — cos2x 1+ cosdx + sindx
17/ Q= sin 2x + 2sin 3x + sin 4x 18/ R = sinx + sin4x + sin 7x
cos 3x + 2 cos 4x + coshx | COSX + cos4dx + cosTx
CcoS2xX —sin4x — cos 6x 14 cosx + cos2x + cos 3x
19/ S= . 20/ T = .
/ cos2x + sin4x — cos 6x / 2cos’ x 4+ cosx — 1
Q(Sin2X+2COSZX—1) sin(x+y)—sinx Cos(x+y)+cosx
21/ U= - - . 22/ V= — .
CcosX — sin X — cos 3x + sin 3x sin(x+y) +sinx cos(x—y) —COSX
23/ X_cos7x—cosSx—cosQX—I—coleX ) Y = sin4x 4+ sin 5x + sin 6x
sin 7x — sin 8x — sin 9x + sin10x cos 4x + cosbx + cos6x
Bi 94, Bién ddi thanh tich c4c biéu thiic sau day
1/ A =cos3x + cosx. 2/ B =sin3x +sin2x.
3/ C=cosdx —cosx. 4/ D =sinbx —sinx.
5/ E =1+sin2x. 6/ F=1-sinx.
7/ G=1+2cosx. 8/ H=+2sin2x—1,
9/ T=+/3+2cos2x. 10/ J = sin(a + b) —sin(a — b).
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Bai 96.

11/ K = cos’x — cos’ y.

13/ M =1+sinx + cosx.

15/ O = sin 3x — sinx + sin 2x.
17/ R =sinx + sin2x + sin 3x.
19/ T:\/Esin2x+cos5x—cos£)x.

21/ V = cosx + cos 3x + 2 cos bx .

23/ Y = cos—~ — cos2—Tr + Cosg—ﬂ.
7 7 7

25/ W =sin 70" — sin20" + sin 50".

27/ ® = cos + sinx — cos 3x .

E—|—5x
2

29/ A= sinx+siny+sin(x+y).

31/ ©= cosx+cosy+cos(x+y) +1.

33/ T =1+ cos2x + cos4x + cos6x .
35/ = =sinbx 4+ sin6x + sin 7x + sin 8x.
Bién d6i thanh tich céc biéu thirc sau diy

1/ 1+ cosx + cos2x + cos 3x.

3/ sinx —sin2x + sin 5x + sin 8x.

5/ c0s9x —cosTx + cos3x — cosx.
7/ sin35" + cos40° + sin 55° + cos 20",
9/ sind7" +sin61° —sin11” —sin25°.

11/ 1—|—sinx—cos5x—sin7X—2(308237X.

12/ L =1+4sinx — cos2x.
14/ N = cosx + sin2x — cos 3x.

16/ Q = cosx — cos2x —sin 3x.
18/ S = cosx + cos2x + cos 3x .
20/ U =sin3dx —2sin2x + sinx.
22/ X = cos46” — cos22” —2cos 78".

24/ 7 = cos2—Tr + cos4—qT + Cos6—ﬁ.
7 7 7

26/ A = cosbx + cosTx — cos(’n + GX).

28/ F:sinx—i—siny—l—sinx_;y.

30/ H:cosx+cosy+sin(x+y).
32/ 22008(600+X)+cos(600—x)+cos3x.

34/ Q= sin2x + sin4x + sin 6x.
36/ U = cosb5x + cos8x + cos9x + cos12x .

2/ sinx —sin3x + sin 7x — sin 5x.
4/ cos7x + sin 3x + sin 2x — cos 3x.

6/ cosl0x —cos8x —cosbx + 1.
8/ sin57" —sin59” —sin93° +sin61°.

10/ cosbx 4+ 3cos7x + 3cos9x + cos11x.

12/ sin3x 4 sinx —sin 2x —|—2(1 — COSX) COSX.

13/ sinx + sin2x + sin3x — 1 — cos x — cos 2x..

14/ 1+ sinx 4 cos3x — cosx — sin2x — cos 2x.

15/ sinx + sin 2x + sin 3x — cos X — cos 2x — cos 3X .

Bién ddi thanh tich céc biéu thirc sau diy
1/ cos® x + cos® 2x 4 cos® 3x — 1.

3/ sin®3x — sin? 2x — sin® x.

5/ sin®x — 2sin® 2x + sin® 3x.

7/ sin® 3x — cos? 4x — sin® 5x + cos” 6x.

2/ sin®x + sin® 2x + sin® 3x —%.

. 9 2 2
4/ sin”x — cos” 2x — cos” 3x.

6/ sin®4x — cos® 6x — sin (10, o + 10X).

8/ cos® x + cos® 2x 4 cos® 3x 4 cos® 4x — g .

"Can cii bii thong minh............
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T oW
7+7
4 2

oo X

9/ cos® x + cos” 2x + cos® 3x 4 cos® 4x —2. 10/ cos3x +sin7x —2sin’ +2 >

cos3xoos[g—5x]

11/ sin 3—1—2}( oot3x+sin(’rr+2x)—x/§oos5x. 12/ 2sin2x —cos lT—|—3x —
2 2 cos bx
Bai 97. Ching minh
1/ sin75" 4+ cos 75" = @ 2/ cos12’ —cos48" = sin18".
3/ sin65° 4 sin55’ = \/gcos 5°. 4/ tan267° +tan93° =0.
5/ cos85” + cos35° 4 cos25” = 0. 6/ tan9’ —tan27" —tan63” + tan81” = 4.

7/ c0s24" 4 cos 48" — cos84° — cos12” = %

8/ tan9” + tan15’ + cot15” + cot 9’ = tan27" + cot 27",
1 1 . 9 3
9/ COSX—ECOS?)X—ECOSESX = 8sin” x cos” x.

10/ Sinx(1+2c082x+2cos4x+2cos6x):Sin7x.

11/ 1+4cosx+63in2x—4sinx:16sin2xsin4§.

12/ 8sin2xsin(x—|—600)sin(x—600):cos4x—cos2x.

13/ (sinx — cosx)2 —cosdx = 4Sin2xsin(x + 150)cos(x — 150).

Cho a + b = c. Chiing minh: sina +sinb 4 sinc = 4cosicoshsin£.

Bai 98
B3i99. Tinh céc gid tri ciia biéu thiic
1/ A= sin61+ cos® =
24 24
2/ B =tan? I + cot? I
12 12
T 3 OT 7T I
3/ C=cos— + cos— + cos— + cos— + cos —.
11 11 11 11 11

2T 4 67 8T 10w
4/ D = cos— + cos— + cos— + cos— + cos——.
11 11 11 11 11

5/ E =cos0’ +cos;+00327ﬁ+ cos3—Tr +cos4—ﬁ+ cos5—ﬁ+ cos67ﬁ.

2 2
6/ F= (sin 40" + cos 100) — (COS 40" + sin 100) + cos140°.
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Bai 100, Trong AABC c6 ba géc lan lugt 12 A, B,C. Ching minh rang

1/ sinA—I—sinB—l—sinC:4c0sécosEcosg.
2 2 2
2/ sinA+sinB—sinC:4Sin%Sin%cos—.

3/ cosA+cosB+cosC=1 —I—4sin%singsin%.

4/ sin2A 4 sin2B + sin2C = 4sin Asin Bsin C.
5/ 14 cos2A + cos2B + cos2C = —4cos A cosBcosC.

6/ sin2A+sin2B+sin20:2(1+cosAcosBcosC).
7/ cos® A+ cos’ B+ cos’C=1—2cosAcosBcosC.
CONG THU'C BIEN POI TICH THANH TONG

Biai 101. Bién d6i thanh tong cdc biéu thirc sau

1/ Azsmgsm%ﬂ. 2/ B = sinbxcos3x.
3/ C:sing—ﬂcosﬂ. 4/ D:sinlcosﬁ.
4 6 12 12
5/ E:Sin(x+y)cos(x—y). 6/ F:sin(x+300)cos(x—300).
7/ G = 2sinxsin2xsin3x. 8/ H = 8cosxsin2xsin3x.
. T . T
9/ I=sin X-{-E sm[x—g]cost. 10/ J:4cos(a—b)cos(b—c)cos(c—a).

Bai 102, Tinh gi4 tri ctia biéu thirc

1/ A =cos75" cos15”.

2/ B=sin"sinT.
12 12

3/ C= sinﬁcosf)—ﬁ.
12 12

4/ D = sin20"sin 40" sin 80°.
5/ B =sinX.sin>X, khix = 60",
4 4
6/ F =sin20"sin40° sin 60 sin 80°.
7/ G= 24.sin%.sin5—.sin7—.sin—.

8/ H =sin5".sin15"sin25".......5in 65" sin 75°.sin 85" .
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9/

10/

11/
12/
13/

14/

15/

16/

17/

18/

19/

20/

21/

22/

I =sin?10° + cos70° cos 50° .

J = c0s10" cos 50 — cos 5’ cos25° + %cos 10°.
K = sin?50° + sin? 10° + sin 50° sin10°.

L = cos® 73" + cos® 47° + cos 73%. cos 47°.

M = sin® 50" + sin® 70° — cos 50° cos 70° . (Pai hoc An Ninh khdi A nam 2001)

N = c0s10° cos50° — cos 5" cos 25" + %Sin 10°.

. 0
0= 2(cos220 + cos 440) _sin5o .
sin11°
. 0
P= sin 60 +3sin15°sin 75° .
sin 15° — sin* 75"

1 _ cos 40°

2cos 5’ sin 5"

Q = —A2sin10° [2 sin 350 —

1

sin10°

1 J3

S = - )
sin10°  cos10°

R = —4sin70°.

0y 27 37
T = cos— — cos— + cos—.
7 7 7

21 47 5% 27 47 67 8T
U= cos7 + cos— + cos— + cos— + cos— + cos— + —i—cos?.

27 47 67 8T
V = cos?-i- CcoS— + cos— + cos—.

Bi 103. Rt gon biéu thirc A = 2sinx (cosx + cos 3x + cos5x) . Tir d6 suy ra gid trj ctia biéu thirc

0y 3T
B = cos— + cos— + cos—.
7 7 7

5%

Bai 104. Rdt gon cic biéu thuc sau

1/ A = cosllxcos3x —cosl7xcos9x.
2/ B =sinl8xcos13x —sin9x cos4x .
3/ C=sinxsin3x + sin4xsin8x.
4/ D = sin2xsin 6x — cos x cos 3x .
5/ E = cos3xcosbx —cos4dx cos7x.
6/ F =sinxsin (600 - x) sin(60° n x).
7/ GZSCOSXCOS(600—X)COS(6OO+X)+1.
Page - 82 - "All the flower of tomorrow are in the seeks of today...... "




Pé cuong hoc tap mdén Todn 10 — Tap II

Ths. L& Van Poan

8/ H = cosxcos2xsin 3x —isilex.
9/ 1= 4sin2xsinbxsin7x —sin4x.

10/ J = sin2xsin6x cos4x + icos 12x.
. . . 1.
11/ KZSlnXSln2X81n3X—ZSIH4X.

12/ L =4cosxsin

T
—+x
6

sin| = — x| — cos2x.
6
13/ M =sin4xsin10x —sin11xsin3x — sin 7xsin x.

14/ N = COS%COS:;?X — sin x sin 3x — sin 2x sin 3x.

15/ O = Sin%(cosi%x + Sin%COSE)?X + sin2xcos 7x .

16/ P = cos2x + cos4x + cosbx — 4 cosx cos2x cos3x — 2.

17/ Q= sinx(l—|—20052x—|—2cos4x—|—2c086x).

18/ R = SI'HSX —Q(COSQX + cos4x).
sin x
19/ S =sin® X+3 —sin®|x — =] = sin—~ cos l+2X .
4 4 12 12

Bii 105. Ching minh cdc dang thirc sau

V341

1/ cos12” + cos18” —4cos15” cos21” cos24” = — 5

(Pai hoc Qudc Gia Ha Noi khéi A nam 2001)

2/ tan9’ —tan63° + tan81° — tan27" = 4.

83

3/ tan30° + tan40° + tan50° + tan 60’ = = cos 20°.
0 0 1 1
4/ cos(2x+60 )cos(ZX—GO ):Ecosélx—z.
. 2 . . 0 0
5/ (s1nx+cosx) — cos4dx :4sm2xsm(x+15 )COS(X—15 )

6/ sin®x + sin’ [g —-X

. .[TY ] 3
+sinxsin|——Xx|=—.
3 4
7/ sinasin(b—c)+Sinbsin(c—a)+Sincsin(a—b):O.

8/ coszx—QCosacosxcos(a +x) + cos® (a+x) —=sin’a.

"Can cii bii thong minh............

Page - 83 -




Ths. L& Van Poan Chuong 5. Cung géc luong gidc — Cong thuc lugng gidc

Bai 106.

9/ sin®x —cos®x = %cosQX +%cos6x.

8X:§+10084X —I—iCOSSX.

10/ sin® x + cos
16

11/ taung—Tr + 41;3un2—1T = \/H
11 11

12/ tan20° tan40° tan 80" = /3.

13/ 8sin®18" 4 8sin” 18" =1. (Hoc Vién Ngan Hang niam 2000)
14/ sin' T | gin? 3T + sin? o + sin? br _ é
16 16 16 16 2

15/ tan10” tan 25" + tan25” tan 55" + tan 55° tan10° = 1.
16/ tan15’ tan25” tan 35° tan 85" = 1.

17/ tan20° — tan 40° + tan 80° = 3+/3 .
18/ tan10” — tan50° + tan 60° + tan70° = 2v/3 .
19/ tan20” + tan40° + tan 80" + tan 60" = 8sin40°.

20/ tan®20° —33tan® 20" +27tan®20" =3 = 0.

Tinh cdc géc cia AABC biét rang

1/ B—CzivésinB.sinC:l. bS: B:E, CZE,AZE.
3 2 2 6 3

2/ B+C:2—WvésinB.cosC:1+\/§. E:A:E, B:5—W,C:E.
3 4 3 12 4

, Chirng minh diéu kién can va di dé AABC vudng
1/  cos2A + cos2B + cos2C = —1. 2/ tan2A 4 tan2B + tan2C = 0.
3/ b c a . 4/ CotE:a+c.
cosB  cosC sinB.sinC 2 b

. Chimg minh diéu kién can va di dé AABC can:

A+B

1/ atanA—i—btanB:(a—f—b)tan . 2/ 2tanB+ tanC = tan® B.tanC.

sinA +sinB l(tanA%—tanB). 4/ cot%: QSlnA.SIHB.

cosA +cosB 2 sin C

, Chirng minh bat dang thirc, tir d6 suy ra diéu kién can va di dé AABC déu:

33

1/ sinA +sinB+sinC < — HD: Coéng Sing vao VT.

2/ cosA + cosB + cosC §§. HD: Coéng Cosg vao VT.
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3/ tanA +4tanB+tanC > 3\/5.

4/ cosA.cosB.cosC <

|~

HD: Bién ddi cos A.cosB.cosC — é vé dang hang déang thirc.

Bai 110. Cho cosy = cosacosb véi a,b ¢g—|—k’ﬂ. Chting minh: tan 2 +atankp 5 2 _ tanQE.
T
2tan(a+b) a=—+km
Bai111, Cho sin(2a +b) = 5sinb. Chimg minh: ——— = 3 véi .
tana T
a+b IE—i—l’K

B4i112. Cho tan(a +b)= 3tana.Ching minh: sin(2a + 2b)+ sin2a = 2sin2b.

a Sin(x—(x) A cos(x—(x)

Bai113. Cho - =———~; — =————" va aB+ bA = 0. Chirng minh:
b sin(x—B) B cos(X—B)
M:cos(u—ﬁ).
aB + bA

Bai 114, Ching minh rang néu tang = % thi A = asinx 4 bcosx khong phu thudc vao a va x.

Bii 115. Cho a,b,c 12 ba canh cta tam gidc, twong tng cédc géc lan lwot 1a A, B,C. Céc géc nhon

a, B, vy duoc xdc dinh bdi cosa = , cosf3 = L, cosy = _c Chung minh:
c+a +b

+c
1/ tan2g+tangﬁ+tan21:l. 2/ tangtanﬁtanl:tanétanEtang.
2 2 2 2 2 2 2 2
Bi116. Chimg minh: 1 L ot ! _ tan8x — tanx,
COSXCOS2X  COs2xXcos 3x CoS 7X cos 8x sin x

Bai 117. Tinh gi4 trj cua biéu thirc: M = sin® 20° + sin® 40° + sin® 80°.
(D¢ thi hoc sinh gi6i tinh Ninh Binh khéi 11 nim 2006)

. 0 . 0 . 0 . 0
B3i118. Tinh gid trj cia bidu thire: N — 2sin2” +4sin4” 4 ... +178sin178" + 180sin 180 ‘

cot 1°
Biai 119. Rt gon cic biéu thirc sau
in 2
1/ A = cosa + cos3a + cosba + ... +cos(2n—1)0<. bS: A:sm‘ na
2sina
n—1|w
2/ B:sin3+sin2—“+sin3—“+...+sin< ) . pS: B =cot—.
n n n n 2n
2n — 1w
3/ C:cosﬂ+cos3—ﬁ+cos5—ﬁ+ ...cos!. bS: C=—cosZ.
n n n n n
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. A A 1A , 3
. Tim phan nguyén cia biéu thirc: M = tan’ Iﬂ +tan® =

4/ D= 1 + 1 +...+;,a:3. ﬂ:Dzl—\/g.
cosa.cos2a  cosZ2a.cos3a cos4a.cosba 5
n—1
5/ E:[1+ L ][1+ 1 ][1+ L ] 14— 1 | pspoltan?z x
CcOS X cos 2x cos 3x cos2™ 1x X
tan —
2
1 1 1 1
6/ F=-— + — - o+ .
sin2x  sin4dx  sin8x sin 2%x

7/ G =sin® % + 3sin® g + 37 sin® % + e + 3" ' sin® in

tan? S—ﬂ + tan® Q—ﬂ .
7 7

Ching minh: sin® x = i(?) sinx — sin 3X) (*) Khi thay x = gin vao biéu thirc (*) Hay

tinh 8 = sin® = 4 3sin® = 4 43" sin® -
3 3 3"

bS: S = i[B“ Sini—sina].

3H
. in 2 S .
. Chung minh: cosa = Slr‘l 2 Tirds suyra gidtricuia P = COS > cos— ... cos—
2sina n 2 92 on
ps: P = sin x
2" sin —
211
. Ching minh: — = cot~ — cotx. Tir d6 tinh:
sinx
1 1 1
s= Ly Loy il gl
sino  sin2o sin 2" o

bS: S:cot% —cot2" .

., Chung minh: tan®x.tan2x = tan2x — 2tanx. Ti d6 tinh:

S :tanQi.tana+2tan21.tani+...—|—2n_1tan21.tan 2 .
n 2 22 2 211 211—1
n a’
bS: S = tana —2"tan—.
211
. Tinh sin® 2x, biét: ! + 1 + L + L =7.

tan’x  cot’x sin’x  cos’x

bS:

© | oo
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Bai 126. Cho biét sina = m va 270" < x < 450" . Chttng minh:

1/ cos%:—%(\/l—km—kx/l—m). 2/ sin%:—%(\/l—km—\/l—m).

Bai127. Cho 0 < a < g Chrng minh: tano + cota > 2.

=]
{0
it
[y
N
Co

1/

. Chimg minh cic bit ding thirc sau

sin75° +sin15° > 1. 2/ cos36” > tan36°.

Bii 129. Chung minh cic bat dang thirc sau

1/
2/
3/
4/
5/
6/

sin 3x cos X — cos 3xsin X — cos2x < \/5

\/gsin?)x 4+ cos2xcosx —sin2xsinx < 2.

<1

sinxsin(x + 600) sin (X — 600) 1

cosxcos3x —sin2xsin4dx <1.

€08 2x cos X + sin x sin 3x — sin® x cos 3x‘ <1.

QSinx(cosx + cos 3x + cos Hx +Cos7x+cos9x) <1.

Bai 130. Tim gia tri 16n nhat va gid tri nho nhat clia cac biéu thiic sau

1/
2/
3/
4/
5/
6/
7/

8/

y:\/gsinx+cosx+2.

™ ™
——<x<—=

= CoSX +
Y 2 2

)
COSX

y = sin x cos x cos 2x cos 4x .

y = sin® x + cos® x,

y = sinx +v2 —sin*x .

4 .4 22
Yy = COS X+ SIn X+ cos” XSIn” X.

OSXSE
2

y = sin® 4x — cos® x +%cos2x.

. 6 6 . 4 4
y =2sin” x4+ 2cos’ X —sin° X —cos X + cos2X .
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PHAN II

HINH HOC
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Chuong 3 PHUONG PHAP TQA PQ TRONG MAT PHANG & UNG DUNG

—_

X% % ¢

® Toa do Oxy

Trong mit phing toa do Oxy cho ba diém A{XA;yA ) B(XB;}’B )? C(XC; };C) va hai vécto

—

a= (alah).? l; = {131;132‘}. Khi do:

Vécto AB = (XP — X1V — ’\A)

AB‘ = \/(XE —XA)‘ +(¥P —}YA) .

X, +Xp, v = Va1tV

2 U1 2

b6 dai doan AB =

Goi I 1a trung diém cua doan thing AB. Luc do: X, =

. \ 13 A A X, T Xp + X, Yy T¥s T V¢
Goi G(xcgyf‘) la trong tam AABC, luc nay: x, = 4+—F2—F;y =—2+—0L 0,
x, —kx, v, —kyg

Goi I&‘I(xM;yM ) chia doan AB theo ti s0 k, (k = 1). Khi dé: x,, = R Vy = -
ath= { a, £ hia, + bg) (hoanh 4 hoanh ; tung+ tung) = mdt vécto.

k.:l = (1{.::1l;1{a?) vol ke B.

— —

ab=ab +ab,. (hoanh nhan hoanh + tung nhén tung) = maot so.
L = ‘ Vo - T a a,
D¢ a = {z’-nl;f-xz)ﬁb = (bl;bz) cung phuong = a = kb < ;—1 = ;—“ < ab, —ab =0.
) ' 9] D B
1 2

—

Diéu kién dé a = (“‘1“)1: = (bl;b?) vuong goc nhau < abh =0 < ab +ab, =0.

S S N S a =bhb R \
biéu kién d¢ o = (al;ax)),b = (blgb‘)) bang nhau = [ ! ll (hoanh = hoanh, tung = tung)
' B v B la, = Db
o 2
2 2 2 \ N B X, — X V. —V X Xy
bé ba diem A, B, C thang hang thi AB = kK AC < £ A _ B A vy ‘ a
X, —X, V.-V, Vo =Y,
L ., -+ = alind :_' ab +ab,
Goc gitra hai vécto a,hi cosp = COS(EL} b} _ _jl 11 _ v 10y v ,b, '
al.|b \/df + a: \/ bf + bf;

Cho diém M (XM;}T&I\) thi toa d6 cua diém

o M, d6i xtmg v6i M qua truc hoanh Ox < M, (_\:M;—yj\,I )

i

e M, d6i xtmg v6i M qua truc tung Oy < M, {—XM;}'M} .
o M, d6i xtmg véi M qua gdc toa do O < M, (’—xM;—yM )
e MeOx=M(x,:0) va Me Oy = M0y, ).

e Mcd:y=ax+bey

vy =ax, + b.
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@ Mt s6 dang toian co ban

a/ Dang toan 1. Xac dinh diém thoa man mot déng thirc vécto hay d6 dai

— Buéc 1. Gidsir M{x;y).

— Bu6c 2. Toa df hoa céc vécto co trong dépg thirc hodc st dung cong thire vé khoang

cach gitia hai diém, d€ chuyén dang thirc vé biéu thuc dai so.

— Budc 3. Giai phuong trinh hodc hé trén, ta nhan dugc toa do diém M.

= Luuy

— Dé D la dinh th tu ciia hinh binh hanh ABCD < AD = BC.

— Pé xac dinh tam I va ban kinh dudng tron R ngoai tiép AABC
AT* = BI?
AT? =CT°

+ Tam I thoa { . Giai h¢ tim T{x;y, ).

9 , 2
+ BénkinhR:AIZ\/(XI—XA) —ﬂ_(yl_yz&) - A

— Toa do chan dudng phan gidc C B

+ Bé D la chan duong phan giac trong cia AABC

. 7p. BA T N, A

< DB = AC CD. (theo vong tron) B D C
+ Dé E la chan duong phan giac ngoai ciia AABC

= _ AB =
- J(MA +MB)
J 41

b/ Dang toan 2. Vécto cung phuong (thiang hang) — Tim diém M € d dé ‘

MA — MB

sz

— Dbé A(:x_&;yA), B(XE‘,I} Ci(:x(:;yc) thang hang < E, AC cung phuong

i L Xy X Vg — V.
S AB=kAC& B 28 —:8 =23
Xe =Xy Yo7 ¥

— Timdiém M{x,y) € d: Ax + By + C = 0 dé tong (MA + MB) dat gid tri nho nhét.

Day 1a bai toan bat dang thirc tam giac, cin phan biét hai truong hop:

+ Truong hop 1. Hai diém A, B nim khéac bén so v6i duong thing d.
e Céch 1. St dung vécto cung phuong

A C

% Goi M ed:Ax+By+C=0,

X i—
o’

« Péténg (MA+MB) & M=M & MAB thing hang = M.
A

d M Mo

e Céch 2. Sur dung bat ding thirc tam gidc \

* Trong AABM, taco MA + MB > AB.
% Viét phuong trinh dudng thang AB: di qua A va B.
* (MA + MB)  =ABkhiM=M =dnAB.

B
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+ Truong hop 2. Hai diém A, B nim cung bén so voi dudng thang d
e Duyng A' d6i ximg véi A quad = A'. A

e Trong AAMB, ta co:
MA +MB > AB & MA'+MB > AB.

e Dodé, (MA+MB| =AB d

min

&M=M =dNA'Bs (MA+MB] > AB.

min

= Luuy
Pé xét xem hai diém A (x AV, ) B (xB;yB) nam cung bén hay nim hai bén so voi dudng
thing d: Ax + By 4+ C' = 0 thi ta can tinh: P = (AxA + By, + C}(AXB + By, + C)

Néu P > 0 = Hai diém A, B nam clng bén so v6i duong thang d A

Néu P < 0 = Hai diém A, B nam hai bén so voi duong thing d. DB\
— Tim diém M(xgg)éd:Ax%—By—l—C=O dé [MA — V. . d
M

pistav e

+ Truong hop 1. Hai diém A, B nim cung bén so voi dudng thang d
M=M =dnAB
M,AB A
+ Truong hop 2. Hai diém A, B nam hai bén so véi duong thang d /I\

M,

=AB &

max

‘MA _ MB‘ <AB & ‘MA _MB

Duyng A' 1a diém d6i xtng cua diém A qua d, khi do: thang hang
[MA - MB| < AB & [MA'— MB| < AB.

— ‘MA*— MB

—AB& M=M =—dnA'B. B

¢/ Dang toan 3. Tim hinh chiéu vudng goc ciia A (x LY, ) 1én BC voi B(\EXB)C(Q :yc’).
Goi H(

pratih

13 hinh chiéu cta A 1én duong thiang BC.

HS H)

AH 1 BC AHBC = 0
=14
H.C BH. BC

Pé tim toa do diém A' d6i xtg voi A qua BC < H 1a trung diém AA'.
d/ Dang tean 4. Phuong phap toa do hoa

Phuong phap toa do hoa thuong dugc sir dung phd bién trong hai loai toan:

— Loai 1. Ta thyc hi¢n phép toa 6 hoa cac 6111gtron§11111h va dua bai toa% Bm 1 P%c vé
dang giai tich.

— Loai2. Luc chon cic diém thich hop dé bién d6i biéu thic dai sé vé dang do6 dai hinh
hoc. Phuong phap nay to ra rat hiéu qua d6i vdi bai toan tim gid tri 16n nhat va
gia tri nho nhét cta cac biéu thuc dai sb.

Toa do diém H thoa hé phuong trinh:

= Luuy
[ =] [—} 1— —l [—) [p—} , —_ -
. ‘u’ —Iv < ‘u +v| < ’u‘ + H = Dau "=" xayra & u,v cung phuong va hudng.
o lu+v+wl<|u+|v|+|w|.Dau "=" xay ra < u,v,w cung phuong.
— , —_ =
o ab <la b Dau " =" xayra < a,b cung phuong va hudng.
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e/ Dang toin 5. Tim quy tich mot diém trong mit phing toa do Oxy.
— Budc 1. Goi M (x : &) 1a diém can tim quy tich va dwa vao gia thiét va ring budc diéu

:&—f()f

. ( | (1) v6i Vm € D: tap chira didu kién 3m.
y, =15 {m) "

kién dé tim quan hé: M :
— Budc 2. Khir m ¢ hé phuong trinh (I) ta duoc F (x, \)) =0 (1) Gidi han khoang chay
cua X, hodc y, ¢ hé ( I‘) va diéu kién m € D (2) .

— Budc 3. Két luan: tir (1),(2) ta co quy tich ctia diém M la

+ Ca duong cong (3) : F(x:y} =0 néu (2) latap R
+ Mot phan duong cong (3) : F(X;y) =0 trén D néu (2) laDCR.

. (2| hay [
= %\/ABQ.ACZ—(AB.AC) Y

BAI TAP AP DUNG
Biail. Trong mit phiang v6i hé truc toa dd Descarter vudng goc Oxy, cho AABC biét A (1; 0),
B(-3;-5), 0(0;3).

1/ Xéc dinh toa do diém E sao cho Kﬁ = 2§6.
2/ Xac dinh toa do diém F sao cho AF = CF = 5.

3/ Tim tap hop diém M sao cho 2(@ + ﬁ) — 3%‘ = ‘ﬁ — fC .

B 1 B(r16). 2 F(-40) v P(53). 3 laduomgeon | " HHT1
= (7 ) (_7)\/ (7) a duong tron BK R \/_ ]

Bai2. Trong mit phing vudng goc Oxy, cho AABC ¢6 A(—4;1),B(24),C(2-2).

1/ Chimg minh rang ba diém A, B, C khong thing hang (tao thanh mot tam giac).
2/ Tinh cos CBA. )

3/ Tinh chu vi va dién tich AABC. Tinh ban kinh dudng tron ndi tiép tam giac.
4/ Tim diém M sao cho: 2MA + 3MB — MC = 0.

B

DS 1/ cos CBA = . 2/ Chuvi= 6(\/3 + 1)7 SAABC =

_6 g M(—1;4) .
V5 +1
Bii3. Cao dang Co Khi Luygn Kim nim 2004 (cau III - 2)
Trong mit phiang v6i hé truc toa d6 Descarter vudng goc Oxy, cho ba diém A (—2; —3), B (2; 1),
C(2—1). Tim toa ¢ dinh D dé ttr gigc ABCD 1 hinh binh hanh.
BS: D(-2-5).
Bii4. Trong mit phang véi hé truc toa dd vudng goc Oxy, cho A(4; 3), B (2; 7), C (—3; —8).
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Bai 10.

Bai 12.

1/ Tim diém D sao cho ABCD Ia hinh binh hanh.
2/ Tim giao diém I cta hai duong thang OA va BC.
3/ Tim toa dd trong tam, tryc tam AABC.

4/ Tim tdm dudng trdn ngoai tiép AABC.

bS: 1/ D(-L-12). 2/ 1[-%;-% .

2
3/ G[l;g], H(13;0). 4/ J(—5;1).

Trong mat phang véi hé truc toa d6 vudng géc Oxy, cho A(l; 5), B (—4; —5), 0(4;—1) . Tim
tam duong tron ndi ticp AABC.
BS: 1(1;0).
Pai hoc Giao Thong Van Tii Tp. H6 Chi Minh — D¢ 2 nim 1997
Trong mat phang véi hé truc toa d§ Descarter vudng géc Oxy, tim toa d0 truc tam cua AABC,
bidt toa d¢ cdc dinh A (~1;2), B(5;7), C(4-3).
1111
Pai hoc Su Pham K§ Thuit Tp. Hé6 Chi Minh nim 2001
Trong mat phang véi hé truc toa d6 vudng géc Oxy, cho A(— 1;2), B(2; 0), C(—B; 1) .
1/ Xéc dinh tam dudng tron ngoai ticp AABC.

2/ Tim diém M trén dudng thing BC sao cho dién tich AABM béng é dién tich AABC.

VY| EXEA VAV E= Ve |
3’3 37 3

Dai hoc Bach Khoa Ha N§i nam 2001 .
Trong mat phang véi hé truc toa dd Descarter vudng géc Oxy, cho AABC c6 ba dinh thudc do

ps: 1/ 1|—t._13]
147 4

thi (C) ctia hamsd y = l Chung minh tryc tdm H ctia AABC ciing thuc (C) .
X

1 1 1 A_ITIJ_g(—]. 1
HD: Goi Ala;~|,B|b;=|,Clc;~ e(C).Tfr T = H|-——;—abc :>H€(C).
a b c BH L AC abc

Cao ding Sw Pham KomTum nim 2004

Trong mat phéng véi hé truc toa do Oxy cho hai diém A(—1;2), B (3; 4). Tim diém C trén
duong thang d : x — 2y + 1 = 0 sao cho AABC vudng tai C.

3 4
5’5
Cao ding Cong Nghi¢p IV nim 2004

Trong mat phang voi hé truc toa d§ Descarter vudng géc Oxy, cho AABC vudng tai A véi

B (—3; 0), C (7; 0), bén kinh dudng tron noi tiép tam gidc 1a r = 2\/5 — 5. Tim toa d6 tam I
cua duong tron ngoai tiep AABC, biet diem I c6 tung d duong.

DS: 1(2+\/ﬁ; 2\/%—5) v 1(2—@; 2\/5—5).

bS: 0(3;2) v C

. Pai hoc Mé — Pia Chat nim 2001 (Cau IV - 2)

Trong mat phéng v6i hé truc toa do truc chuan Oxy, cho A(10;5), B (15; —5), C (—20; 0) l1a ba
dinh ctia mdt hinh thang cdn ABCD. Tim toa d6 diém C, bi¢t rang AB // CD.

BS: C(-7;-26).

Pai hoc Luat Ha N§i niam 1998 (Cau IV - 2)
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Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, tim diém C thudc dudng thang
x —y +2 = 0 sao cho AABC vudng tai C véi A(1;—2), B(—3;3) .

7 3

bS: C(l;S) v C 5|

. Pai hoc Nong Nghié¢p I dé 1 nim 1995

Cho diém A (1; 1) trén mat phang toa do Oxy. Hiy tim diém B trén duong thang y = 3 va diém
C trén truc hoanh sao cho AABC Ia tam gidc déu.

l—i;?)], C[l— > 4

3 V3 V3

pS: B vV B|l+ 1+%.
3

;3], C

. Pai hoc Tong Hop nim 1976

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho A (— 1; 0), B (1; 0) va lay

2

diém di dong trén dudng thiang d : y = 1. Hiy tinh 1\1\;[[1];

va tim M sao cho M—A =Kk, (k > 0).
MB

K2 14~k +6K>—1

k> —1

MA? x> 4+2x+2 .
D_S: 2 = 2 va M1;2
MB X" —2x+2

1jed.

. Dai hoc Ngoai Thuwong nim 1993

Trong mit phing v6i hé truc toa do Descarter vudng géc Oxy, cho hai diém A (3 cos t; 0) va

B(O; 2sin t). Tim tap hop céc diém M (XO; yo) sao cho: 2m + 5@ = 6 khi t thay dbi.

2 2
DS: Tap hop diém M 1a elip (E) : = o+ ?go

. Dai hgc M6 Dia Chét nim 1999

Trong mit phang véi he truc toa do Descarter Vuong g6c Oxy, cho AABC va diém M bt ky.
1/ Chimg minh ring: u = 3MA 5MB + 2MC khong phu thudc vao vi tri cia diém M.

2/ Tim tap hop diém M trén mat phang sao cho: 3MA + OMB — 2MC — |MB — MC .

bS: 1/ :1 = ZK(—i — 5A_§. 2/ Pudng tron tam (C) tam I, ban kinh R = CB

. Hoc Vién Ngan Hang Tp. H6 Chi Minh nim 2000

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho AABC c¢6 dinh C (—2; —4) va
trong tam G(0;4).
1/ Gia sir M(2;0) 1a trung diém cita canh BC. Xdc dinh toa o cdc dinh A, B.

2/ Gia st M di dong trén duong thang d : x + y + 2 = 0. Hiy tim quy tich diém B. Xé4c dinh M
dé d6 dai canh AB 1a nga'in nhéat.

bSs: 1/ B(6;4), A(—4;12). 2/ Quytichlad:x+y—2=0. 2/ M[—i 2].

. Dai hoc Ngoai Thwong nam 2000

Trong mit phang vdi hé truc toa d6 Descarter vudng géc Oxy, cho Parabol (P) cy=x"va
duong thang d : y = mx + 1. Ching minh rang khi m thay doi, duong thang ludn ludn cat
Parabol (P) tai hai diém phén biét A va B. Hay tim quy tich tim vong tron ngoai tiép AOAB khi
m thay d6i véi O 1a goc toa do.

DS: A(Xl; mx, + 1), B(xz; mx, + 1) va quy tich tim la Parabol (P') ry=2x" +1.
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Bai 19.

Bai 20.

Bai 21.

Bai 23.

Bai 24.

Bai 25

Pai Hoc Nong Nghiép nam 1997
Trong mit phang toa dd Oxy cho ba diém A (1; 1), B <3; 3), C (2; O) .
1/ Tinh di¢n tich AABC.

—

2/ Hay tim tat ca cdc diém M trén tryc hoanh Ox sao cho géc AMB nho nht.
bS: S, ;. =2 (d.v.d.t) vaM=0.

Trong mit phang Oxy cho ba diém A<1;3), B (3;1), C (2;4) .
a/ Tinh dién tich AABC.

b/ Tim tét ca cdc diém M € Ox sao cho géc AMB nho nhét.
Trich b} dé tuyén sinh Dai hoc — Cao ding - P& 97 —cau Va 7
Tim trén tryuc hoanh Ox diém P sao cho tong cac khoang cach tir P dén cac diém A va B 1a nho

nhét (hay (PA + PB)mm)' Biét rang:

1/ A(1;1), B(2-4).
2/ A(1;2), B(3;4).

bS: v PEPO[§3O]' 2/ PEPO[§5O]'

. Tim trén duong thang d : x + y = 0 diém M sao cho téng céc khoang cich tir M dén cdc diém

A va B 12 nho nhét trong céc truong hop sau

1/ A(1;1), B(—2;—4).

2/ A(L;1), B(3;-2).

Cho diém M (4;1) va hai diém A (a;0), B(o;b) v6i a,b > 0 sao cho A, B, M thing hang. Xdc
dinh toa d6 diém A, B sao cho

1/ Dién tich tam gidc OAB la nho nhat (S
2/ OA + OB nho nhat.

AOABmin ) .

3/ 1 + nho nhét.
OA’> OB
ps: 1/ A(S;O), B(0;2). 2/ A(G;o), B(o;s). 3/ A[%;O , B(0;17).

Cho diém M (2;1) va hai diém A (a;0), B(o;b) v6i a,b > 0 sao cho A, B, M thing hang. Xdc
dinh toa d6 diém A, B sao cho:
1/ Di¢n tich tam gidc OAB Ia nho nhat (S
2/ OA + OB nho nhat.
1
2 + 2
OA OB
BS: 1/ A(40), B(0;2).

AOABmin ) :

nho nhét.

, Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho A (1; —2), B (3; 4) .

1/ Tim diém M trén tryc hoanh sao cho tong khoang céch tir M dén hai diém A, B 1a ngan nhat.
2/ Tim diém N trén truc hoanh sao cho |NA — NB| 12 dai nhét.

3/ Tim diém I trén truc tung sao cho (IA + IB)

min
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4/ Tim diém J trén tryc tung sao cho [JA 4 JB| ngan nhét.

pS: 1/ M[%;O]. 2/ |NA—NB

= 22 khi N(~1;0).

max

3/ (1A+1B) .

min

:2\/Ekhil[0;—%]. 4/ ‘JA+JB = 4 khi J(0;1).

min

BAi 26. Cho ba diém A (0;6), B(2;5), M(2t —2;t). Tim toa do diém M sao cho

/ (MA + MB<)mm 2/ [MA -MB| .
Bai 27. Cho ba diém A (1,2), B(2 ) (2t +2; t) . Tim toa do diém M sao cho
/ (MA +MB) . 2/ |MA + MB
3/ |[MA-MB| 4/ [MA — MB :

Bai 28. Hoc Vién Ky Thuit Mat Ma nam 2000 7
Trong mat phang voi hé truc toa d§ Descarter vudng géc Oxy, tim quy tich diém M sao cho

khoang cich tir M dén A (1;2) va khoang céch tir M dén Ox ludn bang nhau.

B2ai 29. Cao ding khéi M, T nim 2003
Trén mit phang Oxy, cho hai diém A (1;2), B (3; 4) . Tim trén tia Ox mot diém P sao cho
AP + PB la nho nhét.

bS: P[é;()].
3

Bii 30. Pai hoc Quéc Gia Tp. H6 Chi Minh nim 1997 (cAu IVa - 1)
Trong mit phing v6i hé truc toa do vudng géc Oxy, cho A (0;2), Parabol (P) cy =x". Xéc

dinh diém M trén (P) sao cho AM

J6 3

i——
2

min °

ﬁ: Ml:
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X% % ¢

® Vecto chi phwong ciia dwong thﬁng

— Vecto G = 0 dugc goi 1 vécto chi phwrong ( VTCP) ctia duong thang A néu gid cua né

—_—

song song hodc trang v&i A. Ki hiéu VTCP u . i,
_
— Nhan xét > A
+ Néu ii 1a mdt VTCP ciia A thi kii (k = 0}ciing 1a mdt VTCP cua A. a

+ Mot duong thﬁng hoan toan duge xédc dinh néu biét mot diém va mot VTCP.

@ Vecto phap tuyén ciia duwong thing

— Vecto § = 0 duoc goi 1a vécto phap tuyén ( \s‘"TPT) ctia duong thang A néu gid cia né

vuodng géc voi A. Ki hiéu VIPT i, . i
— Nhén xét I_T
+ Néu il 1amot VIPT ctia A thi ki (k = 0} ciing la mot VFPF-etiarA A

+ Mot dudng thﬁng hoan toan duge xédc dinh néu biét mét diém va mot VTPT.
+ Néu u [amot VTICP va n lamot VIPT cuaAthi 4 L 1.

® Phwong trinh tham s cia dwong thing

— Cho duong thang A di qua M, (x”; x) vacé VICP d = (1115 u, ) Phuong trinh tham s cua

X =x +tu . .
A ‘ (t lathamsdo)va te R.
y=y,A +tu,

— Nhan xét

, X=X ﬁ—tul .
+ M(xy)eAs HeR: ° hay M(\ + tuy, +tu, ) €A,
/ y=y, +tu, : e ?

+ Goi k 1a hé s6 géc cuia A thi

—,

ol =xAv
® k=tana vOl . ) )
o = 90° y v y
i v
¢ k=—=voiu =0. 0O A >x o, -
u, > o A > 3
@ Phwong trinh chinh tic ciia dwong thang A

— Cho duong thang A di qua M, (:xﬁ, v }vaco VICP u = (11 u ) Phuong trinh chinh tic ctia

A: o ¥ S (ul = 0? ]_L) = O) .

— Trong truong hop v, = 0 hodc u, = 0 thi duong thang khong c6 phuong
trinh chinh tic.
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® Phuwong trinh téng quat cia duong thflng

— Phuong trinh: ax + by +¢ =0 véi a> + b* = 0 (a, b khong don thoi = 0) duoc goi la
phwong trinh téng quat cia dudng thang.

— Nhan xét
VTPT i, = a}b}
+ Néu A c6 phuong trinh: ax + by +c = 0 thi Ac {| VICP i, = (~b;a)
VICP i, = (b; —a)
+

Néu A di qua M ( xo;yo) vaco VIPT 1, = (a; b) thi phuong trinh ctia A 1a

A a(x—xﬁ)—b—b(y —yo‘) = 0|.

+

Puong thang A di qua hai diém A (a,;U}, B ( 0; b} ( a,h = 0} . Phuong trinh cta

A=+ }1 = 1. Puwoc goi 1a phwong trinh dwong thang theo doan chin.
a b

+

Puong thang A di qua diém M, ( X ; x) va ¢6 hé s6 géc k. Phuong trinh cua

A:y=k (\ -x } + v, . DPuwgc goi l1a phuong trinh duong thing theo h¢ s6 goc k.
+ Mot s6 truong hop dat biét:

Céc hé sb Phuong trinh duong thing A Tinh chéit dwong thing A
c=0 ax +by =0 A di qua géc toa do O
a=>0 by +c¢=10 A // Ox hodc A = Ox
bh=20 ax +c=10 A // Oy hodc A = Oy

® Vi tri twong ddi ciia hai dwong thing

— Cho hai duong thing A:rax+by+c =0vaA :ax+by+c, =0.

ax+hby+c =0

— Toa d¢ giao diém cioa A; va A, 1a nghiém cua hé phuong trinh - ) ( I)
ax+by+ec, =0 *

. b, b ¢ ¢, a
bat D = =ab,—ab, D = =b,c, —be, D = =ca, —c,a
a, b, L 2t * b, ¢ 12 2 3 ¢ a,
2 2 2 2 2 2
’ }
+ Ajcat A, & hé {I) c6 mét nghiém = D = (0 < —L li
: ag >,
y A [N A i n . R a b c
+ A /A, < hé (I) vO nghiém < D =0 va {D\_ = 0hay D = t_}) o _J:L_li_l'
: - ; / a : c
2 2 2

R , a b, C.
+ A=A, & he(l)vosénghiém @ D=D =D =0& —+t=—=1
2 v/ x ¥ C

a, ), ,

i Loz, g A b a b c, a b c

w Lwuy: Trong cac biéu thtrc tiso: 4 = —2+; L =L =1, 1 _—_1_—_1thj
a, b, a b, ¢ a b, ¢

a,.b,,c, =0.
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@ Géc giira hai dwong thing
— Cho hai duong thing A:ax+by+ec =0c6VIPT i, = (a13b1) va duong thang
A, ax+by+e, =0c6VIPT i, = (aQ;bg).

2
ey R ) n ﬁ
|, ki (3,1, | < 90° N Az
Luc do6: (ALEA{_)) =1 U S va
180° — (ﬁl?ﬁQJ khi (ﬁﬁg) > 90’
AY 7 Al
— — n,.on, ab +a.b,
CQS(AI,Az)zcoS(ﬁl,ﬁz): ‘_)1 2‘ = ‘ L 2‘ )
/ \ / n 2 2 2 2
‘HlHn?‘ \/ad +b1 ‘\/a‘z +b2
— Luu y . . o A2
+ NeuA LA &n In &nn=0&aa, +bb =0.
NE [Al cy=kx+m, [Al A, &k =k, | (A N ) | k —k, |
+ Néu thi va [tan{A A, ) = |——2
1A2 cy=kx+m, iAl 1A & kk =-1 e 1+kk,

Khodng cich tir mét diém dén mét dwong thing
— Khoang cich tir mdt diém dén mot dwong thing:

‘axr + by + c:‘

\/&2 + b’

Cho dudng thing A : ax + by +c =0 va M(x ;v ) = d(M,,A)

— Vi tri twong ddi ciia hai diém d6i véi mot dwong thang:
Cho dudng thing A : ax + by + ¢ = 0 va hai diém M(x, ;¥ ), N(xv, ) € A.
+ M, N ndm ciing phia d6i v6i A < (axﬂ + by, + c) (ax\J + by, + c} > 0.
+ M, N ndm khéc phia d6i véi A < (axM + by, + c) (a,x}d + by + c) <0.
— Phuong trinh cic dwong phén gidc ciia cic géc tao boi hai dwong thang:
Cho hai duong thang Arax+by+ec =0vaA :ax+by+c, =0 cit nhau.

Phuong trinh cic duong phan gidc clia cdc goc tao boi hai duong thing A; va A, 1a:

q: 1 +by+c _ X +b,y+c,
\/a; + b \/a; + b
Ta c6 thé phan biét dudong phan giac trong hodc ngoai dwa vao dau ciia tich i, .1, nhu sau:
Déu cua tich & A, Phuong trinh goc nhon Phuong trinh goc tu
_ L=5 b =1
" t =—% t, =1,

ax+by+e ¢ = a,x +by+c, .

,/a.f—l—bf L Jaz—l—bg

Trong do: t, =
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X 9% 9% ¢

@ Lap phuong trinh duwong thing

e Qua 1\*[(}{‘;}") , N - :
Y = PITQd:|Alx—x_|+Blyv—v, |=0
e VIPT n, = (AB} . ‘ —

| » l PTTS d:° Y (teRr
L@P phuong e Qua M(xu;yu) 'y ¢ v=v +ut (t = )
trinh duong > o = » o 2
théng d ¢ “! T(JP ud - (‘ul:u? ) | L DYTYETTY ] . X Xo Y B }7(1
ET R N NP B © —
l UJ UN ‘
Alx v, ! X —X X =%
Qua ViV =d 2 =L =~ (v, =v,)
B I::\.C) Y=Yy YTV,
» Mot 6 hru y:
— Duong thing A qua diém
— Puong thang A qua va c6 hé sd géc k
— Pudng thing c6 phuong trinh: .
— Puong thing c6 phuong trinh:

— Trong nhiéu trudng hop dic thu, dé xac dinh phuong trinh dudng thang chung ta con st dung:
+ Phuong trinh chum dudng thang.
+ Phuong trinh quy tich.
— Ta c6 thé chuyén doi gitra cic phuong trinh tham s6, chinh tic, tong quat ctia 1 duong thang.
— bé 1a mot phuong trinh duong thang thi

@ Mt s6 bai toin thuong gip khac

a/ Tim diém c6 dinh ciia ho dwong cong (thing)

— Budc 1. Goi

— Budc 2. Bién doi veé mot trong cac dang (bién s0 1a m).

— Budc 3. Toa do diém cb dinh:
A=0

+ Néu (%) duoc bién ddi vé (l) thi toa d6 thoa < B_o

A=0
+ Néu (%] duge bién doi vé (2} thi toa d6 thoa {B = 0.
C=0
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b/ Cho ho dwdng thing phu thudc tham sé6 m c6 phwong trinh . Hay tim
dwdng cong cd dinh ludn tiép xic véi ho

Dé giai bai toan nay, ta c6 thé sir dung theo hai phuong phap
& Phwong phap 1. Thuc hién theo hai budc:

— Budc 1. Pinh dang cho db thi ¢6 dinh, ching han nhu parabol

— Budc 2. Sir dung diéu kién tiép xtic cua hai d6 thi voi moi gia trj ctia tham s, ta xac dinh
duoc la duong cong ¢o6 dinh tiép xtc véi ho can tim.

& Phwoeng phap 2. Thuc hién theo hai budc:

— Budc 1. Tim tép hop céac diém ma ho khong di qua. Tap hop d6 dugce xac dinh boi
bat phuong trinh c6 dang

— Budc 2. Ta di chung minh ho ludn tiép xtic véi dudng cong c6 phuong trinh

¢/ Tim diém M’ d6i ximg véi diém M qua dwong thing
Dé giai bai toan nay, ta c6 thé sir dung theo hai phuong phap
& Phuwong phap 1

— Budc 1. Viét phuong trinh dudng thiang A qua M va vudng géc véi d.

— Budc 2. Xac dinh (H 12 hinh chiéu cia M trén d). A
— Buéc 3. Xac dinh sao cho H 1a trung diém cua
& Phuong phap 2 M
— Budc 1. Goi H 1a trung diém cua . d:Ax+By+C=0
H
— Budc 2. M’ doi xung ctia M qua (str dung toa dog).
Ml

d/ Lap phuwong trinh dwong thing d’ d6i xtmg v6i dwong thiang d qua dwong thing A
Dé giai bai toan nay, trudc tién ta nén xem xét chung cit nhau hay song song.
@ Néud//A
— Budc 1. Lay A € d. Xdc dinh A" ddi xtmg voi A qua A,
— Budc 2. Viét phuong trinh duong thang d” qua A” va song song véi d.
@ NéudnA I

— Budc 1. Lay A € d (A #I). Xdc dinh A’ ddi xing v6i A qua A.
— Budc 2. Viét phuong trinh dudng thing d’ qua A" va L.

d
AlL—"
d
A 4
I - A

p3 ) H
H A |

= " A \d;
AV
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e/ Lap phwong trinh dwong thing d’ d6i xing véi dwong thing d qua diém I

— Budc 1. Lay A e d. Xdc dinh A” d6i xtng véi A qua L.
— Budc 2. Viét phuong trinh dudng thiang d’ qua A” va song song véi d.

BAI TAP AP DUNG

Bai31. Lap phuong trinh tham s, phuong trinh chinh tic (néu c6) va phuong trinh tong quat cia
duong thang di qua diém A va c6 vécto chi phuong i :

1/ A=0(0:0), u=(1-3). 2/ A(-23), u=(5-1).
3/ A(3-1), u=(-2-5) 4 A(20), u=(34)
5/ A(~12), u=(~46). 6/ A(L1), u=(15)
71 A(2-3), u=(4-1) 8/ A(-3:5), u=(0;-2)
9/ A(7:-3), u=(0:3). 10/ A(1:2), u = (5:0).

Bai 32. Lap phuong trinh tham s, phuong trinh chinh tic (néu c6) va phuong trinh tong quat cua
duong thang di qua diém A va c6 vécto chi phuong 1 :

1/ A(01), 5 = (1;2). 2/ A(—2;3),ﬁ:(5;—1).
3/ ( ) :(, ) 4/ A(—1;2),ﬁ:(—2;3).
5/ (173), :( - ) 6/ A(3;—1), ﬁ:(—2;—5).
71 A(20), i = (- 1,—1) 8/ A(L;2), i = (50)

9 A(7;-3), i =(0;3). 10/AEO(O;0),ﬁ:(2;5).

Bii33. Cho dudng thang c6 phuong trinh d:2x —3y +1=0.

1/ Hiy tim vécto phap tuyén va vécto chi phuong ctia dudng thing d.
2/ Viét phuong trinh tham sé va phuong trinh chinh tic cta dudng thing d.

Bai34. Lép phuong trinh tham s0, phuong trinh chinh tac (néu c6) va phuong trinh tong quat cia
duong thang di qua diém A va c¢6 hé sb goc k

1/ A(24), k=2. 2/ A(=31), k=-2.
3/ A(—5;—8),k_—3. 4/ A(—3;4),k:3.

5/ A(52), k=1 6/ A(—3-5), k=—1
7/ A(2-4), k=0. 8/ A(—4;0),k:—9.
9/ A=0(0;0), k=4. 10/ A(0;30), k = =7,

Bai 35. Lap phuong trinh tham séz phuong trinh chinh tic (néu cd) va phuong trinh téng quat ctia
duong thang di qua hai diém A va B
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1 A(21), B(—4 5). 2/ A(-2 4), B(1; 0)
3/ A(5; 3), B(-2-7). 4/ A(3; 5), B(3; 8).
5/ ( 5), B(6, 2) 6/ A(4; 0), B(3; 0).
71 A(0; 3), B(0;-2). 8/ A(3;0), B(0; 5).

9/ A(0; 4), B(-3; 0).

10/ A(-2; 0), B(0;—6).

Bai36. Lap phuong trinh tham s0, phuong trinh chinh tic (néu ¢6) va phuong trinh téng quat cta
duong thang d di qua diém A va song song véi dudng thing A
1/ A2 3),A:4X—10y+1:0. 2/ A5 7),A:x—2y+6:0.
3/ A(—l, 2),A: 5x+1=0. 4/ A(—1;—7),A: y—2=0.
x=1—-2t x=—-1-3t
5/ A(2; 3), A . 6/ A(—5; 3), A .
y=3+4t y=—-3+5t
71 A(0; 3), A x-1_y+4 8/ A5 2), A x+2_y-2
3 -2 1 -2
9 A(-12), A=Ox. 10/ A(4; 3), A =Oy.
Bai 37. Lap phuong trinh tham s0, phuong trinh chinh tic (néu ¢6) va phuong trinh tong quét ctia
duong thang d di qua diém A va vudng géc voi duong thing A
1/ A(4-1), A: 3x—5y+2013 = 0. 2/ A(2-3), A: x+3y—7=0.
3/ A(4;5),A: —x+5y—4=0. 4/ ( 5), A=Ox.
5/ A(-4;-1), A=Oy. 6/ A(-7;2012), A:2012x -3y +11=0.
71 A(L—4), A x-1_y+3 8 A(4-6), A x+2_y-3
-1 2 3 —10
x =2t x=-24+1
9 A(L0), A: . 10/ A(0;7), A .
y=1-4¢ y=—t
Bai38. Trong mit phing voi hé truc toa dd Descarters vudng géc Oxy, cho AABC c6 céc dinh tuong
ung sau. Hay 1ap:
a/ Phuong trinh ba canh AABC.
b/ Phuong trinh cac dudong cao. Tir d6 suy ra tryc tim cia AABC.
¢/ Phuong trinh cdc duong trung tuyén. Suy ra trong tim ctia AABC.
d/ Phuong trinh cic dudng trung binh trong AABC.
e/ Phuong trinh cdc duong trung truc. Suy ra ban kinh duong tron ndi tiép AABC.
1 A(L-1), B(-21), C(3:5). 2/ A(20), B(2-3), C(0;-1).
3/ A(—4;5), B(—1;1), 0(6;—1). 4/ A(1; 4), B(3;—1), 0(6;2) :
5/ A(-1;-1), B(1,9), C(9:1). 6/ A(4;-1), B(-3;2), C(1;6).
Bii39. Cho AABC, biét phuong trinh ba canh ctia tam gidc. Viét phuong trinh cdc dudng cao AA ',

BB', CC' cta tam giac, véi
1/ AB:2x—3y—1=0, BC:x+3y+7=0, CA:5x—2y+1=0.
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2/ AB:2x+y+2=0, BC:4x+5y—8=0, CA:4x—y—-8=0.

Viét phuong trinh cic canh va cdc trung tryc ctia tam gidgc ABC biét trung diém cta cdc canh
BC, CA, AB lan luot 1a cac diém M, N, P voi

1/ M(1;1), N(5;7), P(—1;4). 2/ M(2;1), N(5;3), P(3;—4).
3/ M[2;—§],N[1;—1],P(1;—2). 4/ M[§;2],N[Z;3],P(1;4).
2 2 2 2
5/ M g;—g],N g;—g],P(z;—zL) 6/ M(-1;-1), N(L,9), P(9;1).

Viét phuong trinh dudng thing di qua diém M va chén trén hai tryc toa d6 2 doan bang nhau
(tao véi hai truc toa d§ mot tam giac vudng can) véi

1/ M(—4;10). 2/ M(2;1).
3/ M(—3;—2). 4/ M(z;—l).

Viét phuong trinh dudng thing di qua diém M va cling véi hai truc toa d6 tao thanh mot tam
gidc c6 dién tich S, véi

1/ M(f4;10), S=2. 2/ M(z;l), S=4.
3/ M(73;72), S=3. 4/ M(2;71), S=4.

Tim hinh chiéu cta diém M lén duong thing d va diém M’ d6i xing v6i M qua dudng thing d
véi

1/ M(21),d:2x+y-3=0. 2/ M(3;-1), d:2x + 5y —30 = 0.
3/ M(41), d:x—2y+4=0. 4/ M(-513), d:2x— 3y —3=0.

Lap phuong trinh dudng thang d” d6i xtimg véi dudng thang d qua dudng thang A, véi

1/ d:2x—y+1=0,A:3x—4y+2=0. 2/ d:x—2y+4=0,A:2x+y—2=0.
3/ d:x+y—1=0,A:x—3y+3=0. 4/ d:2x—-3y+1=0,A:2x—-3y—1=0.
Cho phuong trinh: mx + (m — 2) y—m=20 (1) .

1/ Ching minh: Vm phuong trinh (1) 1a phuong trinh ctia mot dudng thangm goi 1a ho (dm) .
2/ Tim diém c6 dinh ma ho (d,, ) uén di qua.

BS: 2/ M(1;0).

Cho ho dudng thang c¢6 phuong trinh: (dm) : (2m + 1) x —y —m” = 0. Chimg minh rang ho
duong thang (dm) 1udn tiép xic véi mot parabol cb dinh.

DS: Tiép xiic v6i parabol (P) ry =x" +X.

Cho hai diém A (0;2), B(m;—2).

1/ Hay viét phuong trinh duong trung tryc d cia AB.

2/ Chting minh rang d ludn tiép xic véi mot dudng cong cb dinh khi m thay doi.

2

DS: Tiép xic v6i parabol (P) tX = iy .
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® Cac bai toan dung tam giac

Do 1a cac bai toan xac dinh toa dg cac dinh hodc phuong trinh cac canh cua mét tam gidce khi biét
mot sO yeu to cua tam giac do. D¢ giai loai bai todn nay ta thuong st dung dén cac cach dung tam
giac. Ta thuong gap mot so loai co ban sau day
a/ Loai 1. Dung AABC, khi biét cac dwong thing chira canh BC va hai dwong cao BB/, CC”.
—  X4c dinh toa dd cac diém
— Dung AB qua B va vuéng géc véi CC’.
— Dung AC qua C va vubng géc véi BB'.
— Xac dinh toa do .

. . B C
b/ Loai 2. Dung AABC, khi biét dinh A va hai dwong thang chira hai dwong cao BB’, CC’.

— Dung AB qua A va vudng géc voi CC.
— Dung AC qua A va vudng géc voi BB'.
—  Xac dinh

¢/ Loai 3. Dung AABC, khi biét dinh A, 2 dudng thiang chira 2
dwong trung tuyén BM, CN. A

— Xaéc dinh trong tdm .

—  Xic dinh A” d6i xtmg voi Aqua G ( BA’//CN, CA’ // BM).
— Dung dg qua A” va song song vdi CN.
— Dung dc qua A” va song song vGi BM.
— Xac dinh . S~ / P

~

d/ Loai 4. Dung AABC, khi biét hai dwong thing chira hai canh AB, AC vZ‘qu*ﬁng diém M
cia canh BC
— Xac dinh .
— Dung d; qua M va song song vdi AB.
— Dung d; qua M va song song voi AC.
—  Xic dinh trung diém I cua

—  Xdc dinh trung diém J ctia

— Xac dinh B, C sao cho

) , ., B t - ] C
Ngoai cach giai trén, ta c6 thé dung theo: Trén AB lay diém B, trén AC 155\4 iemC sao cho

@ Vi tri twong d6i — Khoang cich — Géc

—  Xem lai li thuyét.
— Pé ching minh ba duong thiang dong qui, ta c¢6 thé thyc hién nhu sau
+ Tim giao diém cua hai trong ba dudng thang.
+ Chimg to duong thang thi ba di qua giao diém dé.
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BAI'TAD AP DUNG
CAC BAI TOAN DUNG TAM GIAC

Cho tam gidc ABC, biét phuong trinh mot canh va hai dudng cao. Viét phuong trinh hai canh
va duong cao con lai, véi

1/ BC:4x+4+y—-12=0, BB':5x—4y—15=0, CC'":2x+2y—-9=0.
2/ BC:5x—3y+2=0, BB':4x—-3y+1=0, CC":Tx+2y—22=0.
3/ BC:x—y+2=0, BB':2x — Ty —6 =0, CC':7Tx—2y—-1=0.
4/ BC:5x—-3y+2=0, BB':2x—y—-1=0, CC':x+3y—-1=0.

Cho tam gidc ABC, biét toa d6 mot dinh va phwong trinh hai duong cao. Viét phuong trinh céc
canh ctia tam giac d6, véi

1/ A(30), BB':2x +2y —9 =0, CC':3x—12y—1=0.
2/ A(1;0), BB':x—2y+1=0, CC':3x+y—1=0.

Cho tam gidc ABC, biét toa &6 mot dinh va phuong trinh hai dudng trung tuyén. Viét phuong
trinh cic canh ctia tam gidc d6, véi

1/ A(13), BM:x—2y+1=0, CN:y—1=0.

2/ A(39), BM :3x — 4y + 9 =0, CN:y—6=0.

Cho tam gidc ABC, biét phuong trinh mot canh va hai duong trung tuyén. Viét phuong trinh
céc canh con lai ctia tam gidc d6, véi

1/ AB:x—-2y+4+7=0, AM:x+y—-5=0, BN:2x+y—-11=0.

2/ AB:x—y+1=0, AM :2x + 3y =0, BN:2x+4+6y+3=0.

Cho tam gidc ABC, biét phuong trinh hai canh va toa do trung diém cua canh thir ba. Viét
phuong trinh ctia canh thur ba, véi

1/ AB:2x+y—-2=0, AC:x+3y—3=0, M(=1;1).
2/ AB:2x—y-2=0, AC:x+y+3=0, M(S;O
3/ AB:x—y+1=0, AC:2x+y—1=0, M(2;1
4/ AB:x+y—2=0, AC:2x+ 6y +3 =0, M(=1;1).

Cho tam gidc ABC, biét toa d6 mot dinh, phuong trinh mot dudng cao va mot trung tuyén. Viét
phuong trinh cac canh clia tam gidc do, véi

1/ A(4;—1), BH:2x — 3y +12 =0, BM:2x + 3y = 0.

2/ A(2%-7), BH:3x +y+11=0, CN:x+2y+7=0.
3/ A(o;—z), BH:x—2y+1=0, CN:2x—y+2=0.
4 A(-1;2), BH:5x —2y — 4 =0, CN:5x+7y—20=0.

VI TRi TUONG POI CUA HAI PUONG THANG
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Bai 54.

Xét vi tri twong dbi cua cdc cip duong thing sau, néu ching cit nhau thi tim toa do giao diém
cua ching

1/ d:2x+3y+1=0 & d,idx+5y—-6=0.
2/ d 4x—y+2=0 & d,:—8x+2y+1=0.
3 d x=5+t1 ¢ d x =442t

1y = —3 42 Py =-T+3t
ooa T P

U ly =249t Ply=—4-6t

x=95+1t

5/ d,: v =1 & dyix+y—-5=0.
6/ d :x=2 &  d,ix+2y—4=0.
Cho hai duong thang d va A. Tim m dé hai duong thang
a/ Cit nhau. b/ Song song. ¢/ Trung nhau.
1/ d:mx—>5y+1=0 & A:2x+y-—-3=0.
2/ d:2mx+(m—1)y-2=0 & A:(m+2)x+(2m+1)y—(m+2)=0
3/ d:(m—Q)X—i—(m—fi)y—i—m—l:O & A:(m—4)x+(2m—3)y—|—m—5:0.

4/ d:(m+3)x+2y+6=0 & A:mx+y+2-m=0.

Tim m dé ba duong thing sau déng qui

1/ d:y=2x-1 d,:3x +5y =8 d, : (m + 8)x — 2my = 3m.

2/ d:y=2x-m d,:y=-x+2m dg:mx—(m—l)y:2m—1.

3/ d, :5x+1ly =8 d,:10x -7y =74  d,:4mx+(2m 1)y +m+2.

4 d,:3x—4y+15=0 d,:5x+2y—1=0 d :mx—(2m—1)y+9m—13=0.

Viét phuong trinh dudng thang d di qua giao diém cia hai duong thang d, va d, va

1/ d :3x—2y+10=0 d,:4x+3y—7=0 dquaA(2;1).

2/ d :3x—5y+2=0 d,:5x—2y+4=0 dsongsongd, :2x —y+4=0.
3/ d :3x-2y+5=0 d,:2x+4y—-7=0 dvuong d,:4x -3y +5=0.
Tim diém ma cic duong thang sau ludn di qua vdi moi m

1/ (m-2)x-y+3=0. 2/ mx—y+(2m+1)=0.

3/ mx—y—2m—1=0. 4 (m+2)x-y+1=0.

Cho tam giac ABC véi A(O;—l), B(2;—3), 0(2; O).

1/ Viét phuong trinh cdc dudng trung tuyén, phuong trinh céc dudng cao, phuong trinh cic
duong trung tryc ctia tam giac.
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Bai 68.

2/ Chung minh cdc duong trung tuyén dong qui, cic dudng cao déng qui, cic dudng trung
truc dong qui.

Hai canh cuta hinh binh hanh ABCD c6 phuong trinh x — 3y = 0, 2x + 5y + 6 = 0, dinh

C (4; —1) . Viét phuong trinh hai canh con lai.
Viét phuong trinh dudng thing di qua diém M va cdch déu hai diém P, Q véi

1/ M(z; 5), P(fl; 2), Q(5; 4) : 2/ M(1; 5), P(72; 9), Q(s; - 2) :
KHOANG CACH - PHUONG TRINH PUONG PHAN GIAC

Tinh khoang cdch tir diém M dén dudng thang d, voi

1/ M(4;—5), d:3x—4y+8=0. 2/ M(3;5), dix4+y+1=0.

x =2t
y=2+3t

4/ M(35), q:X=2_y+l
2

3/ M(4;—5), d:

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy:

1/ Cho duong thang A : 2x —y 4+ 3 = 0. Tinh béan kinh duong tron tim I(—5; 3) va tiép xiic
véi duong thang A.

2/ Cho hinh chir nhat ABCD c¢6 phuong trinh 2 canh 1a: 2x — 3y +5=0, 3x+2y—-7=0
va dinh A (2; —3) . Tinh dién tich hinh chit nhat dé.

3/ Tinh dién tich hinh vuéng c6 4 dinh nam trén 2 duong théng song song:
d :3x—4y+6=0vad,:6x—-8y—-13=0.

Cho tam gidc ABC. Tinh dién tich tam giac ABC, véi

1/ A(-5-1), B(2-4), C(43). 2/ A(-214), B(4-2), C(5-4).

Viét phuong trinh dudng thing d song song va cich duong thing A mot khoang h, voi

1 A:2x—y+3=0,h=15. 2 AST s
y=2+4t

3/ A:y—3=0, h=5. 4/ A:x—2=0 h=4.

V‘iét phuong trinh dudng thang d song song voi duong thang A va cich diém A mot khoang
bang h, voi

1/ A:3X—4y+12:0,A(2;3),h:2. 2/ A:x+4y—2:0,A(—2;3),h:3.

3/ A:y—3=0,A(3;-5),h=5. 4 A:x—2=0A(31),h=4.
Viét phuong trinh dudng thang di qua A va cich B mot khoang bang h, voi

1/ A(-1;2), B(3;5),d = 3. 2/ A(-1;3), B4 2),d = 5.
3/ A(5; 1)7 B(z; 73), d = 5. 4/ A(3; 0), B(o; 4)7 d = 4.

Viét phuong trinh dudng thing di qua diém M va cich déu hai diém P, Q, véi

1/ M(2; 5)7 P(fl; 2)7 Q(5; 4). 2/ M(l; 2)7 P(z; 3), Q(4;f5).
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Bai 70.

Bai 72.

3/ M(1o; 2), P(3; o), Q(-5: 4). 4 M(2; 3), P(3;71), Q(s; 5).

\{iét phuong trinh dudng thing d cich diém A mot khoang bang h va cdch diém B mot khoang
bang k, voi

1/ A(1; 1), B(z; 3), h=2k=4. 2/ A(2; 5), B(fl; 2), h=1k=3.
Cho dudmg thing A : x —y +2 = 0 vacéc diém O(0; 0), A(2; 0}, B(-2; 2).

1/ Chirng minh duong thang A cat doan thang AB.

2/ Chimg minh ring hai diém O, A nim ciing vé mot phia d6i v6i duong thang A.

3/ Tim diém O’ dbi ximg véi O qua A

4/ Trén A, tim diém M sao cho d6 dai dudng gap khiic OMA ngin nhét.

Cho hai diém A(2; 2), B(S; 1) . Tim diém C trén dudng thang A : x — 2y + 8 = 0 sao cho

dién tich tam gidc ABC bang 17 (dvdt).

Bs: C(12;10), C[——;—— .
5

Tim tap hop diém

1/ Tim tap hop céc diém cich duong thang A : —2x + 5y — 1 = 0 mot khoang bang 3.

2/ Tim tap hop cdc diém cdch déu 2 duong thing d:5x +3y —3 =0, A:5x+ 3y +7 = 0.

3/ Tim tap hop cic diém cich déu hai duong thing d:4x —3y +2=0, A:y—3=0.

4/ Tim tap hop céc diém c6 ti s6 cdc khoang cich dén hai duong thiang sau bang % :
d:bx—12y +4=0va A:4x—3y—10=0.
Viét phuong trinh cdc dudng phan gidc ciia cdc gbc tao boi hai dudng thang
1/ 3x—4y+12=0, 12x+5y—20=0. 2/ 3x—4y—9=0, 8&x—6y+1=0.
3/ x+3y—6=0, 3x+y+2=0. 4/ x+2y—11=0, 3x—6y—5=0.
Cho tam gidgc ABC. Tim tAm va ban kinh duong tron ndi tiép tam gidgc ABC, véi
1/ A(73;75), B(4;76), C(3 1). 2/ A3 2), B(5; 2), 0(1;f3).
3/ AB:2x—-3y+21=0, BC:2x+3y+9=0, CA:3x—2y—6=0.
4/ AB:4x+4+3y+12=0, BC:3x—4y—-24=0, CA:3x+4y—-6=0.
GOC
Tinh géc giira hai duong thang
1/ x-2y—-1=0, x+3y—-11=0. 2/ 2x—y+5=0, 3x+y—-6=0.
3/ 3x—Ty+26=0, 2x+5y—13=0. 4/ 3x+4y—-5=0,4x—-3y+11=0.
Tinh sb do cta cic géc trong tam gidgc ABC, véi
1/ A(-3;-5), B(4-6), C(3; 1). 2/ A(1;2), B(5; 2), C(1;-3).
3/ AB:2x—-3y+21=0, BC:2x+3y+9=0, CA:3x—2y—6=0.
4/ AB:4x+3y+12=0, BC:3x—4y—-24=0, CA:3x+4y—-6=0.
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Bai 77.

Bai 78.

Bai 84.

Cho hai dudng thang d va A. Tim m dé géc giita hai dudng thang d6 bang o, voi

1/ d:2mx—i—(m—3)y+4m—1:(),A:(m—l)x+(m+2)y—i—m—2:0,OL:450.
2/ d:(m+3)x—(m-1)y+m-3=0A:(m-2)x+(m+1)y-m—1=0a=90"
Viét phuong trinh dudng thing d di qua diém A va tao voi duong thing A mot géc o, voi

1/ A(6;2),A:3x+2y—6:O,0L:45°. 2/ A(—2;O),Azx+3y—3:o,0c:45°.

3/ A(2;5),A:x+3y—|—6:0,0<:600. 4/ A(1;3),A:x—y:O,0<:300.

Cho hinh vuéng ABCD c6 tam I(4;-1) va phuong trinh mot canh 1a 3x —y +5 = 0.

1/ Viét phuong trinh hai dudng chéo cta hinh vudng.
2/ Tim toa do 4 dinh cua hinh vudng.

BAI TAP QUA CAC KI THI

Cao ding Sw Pham Nha Tré Miu Gido TW1 nim 2000

Trong mit phang toa dd Oxy, cho dudng thing (A) : 2x — 3y + 3 = 0. Viét phuong trinh
duong thang di qua M (—5;13) va vudng géc v6i duong thang (A)

bS: d:3x+2y—-11=0.

Cao ding Sw Pham Ha Noi nim 1997

Trong mit phang toa d¢ Oxy, cho AABC véi A(l; —1), B (—2; 1), C(3;5) .

1/ Viét phuong trinh duong vudng géec AH ké tir A dén trung tuyén BK cua AABC.
2/ Tinh dién tich AABK.

BS: 1/ AH:4x+y-3=0. 2/ S, =11(dvdt).

Cao ding Ky Ngh¢ Tp. H6 Chi Minh nim 1998

Trong mit phang toa do Oxy, cho hai dudng thang: (AI) t4dx -3y —12=0 va
(4,):4x +3y =12=0.

1/ Xéc dinh dinh cta tam gidc c6 ba canh thudc (Al) , (AQ) va truc Oy .

2/ Tim toa d6 tim va ban kinh dudng tron ndi tiép tam gidc ndi trén.

A(0:—4)= A, nOy Tam I[é;o]
BS: 1/ {B(0:4)=A, N0y . 2/ 3 :
C(30)=4,nA4, Bk:R:d(I;AB):g

Cao dang Sw Pham Ha Ngi khéi A nim 1999

Trong mit phang toa dd Oxy, cho AABC, canh BC, cic dudng cao BI, CK c¢6 phuong trinh 1an
lugtla 7x +5y —8 =0, 9x —3y —4 =0, x +y —2 = 0. Viét phuong trinh cic canh AB,
AC va duong cao AH.

bS: AB:x—y=0, AC:x+3y—8=0, AH:5x—Ty+4=0.

Cao ding Cong Nghiép Tp. H6 Chi Minh nim 2000
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Trong mit phang toa o Oxy, cho AABC c¢6 cic duong cao (BH) x+y—1=0,

(CK) :—3x+y+1=0 vacanh (BC) :5x —y — 5 = 0. Viét phuong trinh ciia cdc canh con
lai ctia tam gidc va duong cao AL ?

bS: AB:x+3y—-1=0, AC:x—y+3=0, AL:x+5y—3=0.

Cao ding Kiém Sat Phia Biac nim 2000

Trong mit phang toa do Oxy, cho AABC ¢6 A (1; 3) va hai trung tuyén 1a x — 2y +1=0 va

y —1 = 0. Viét phuong trinh cic canh cua tam giéc ?

bS: AB:x—y+2=0, AC:x+2y—3=0, BC:x—4y+1=0.

Cao ding Sw Pham Nha Tré Miu Gido TWI nim 2001

Trong mit phing toa dd Oxy, cho céc diém A (1;2), B (—1; 2) va duong thang d c6 phuong
trinh (d) :x — 2y +1 = 0. Hiy tim toa d6 cua diém C thudc duong thing d sao cho ba diém A,

B, C tao thanh tam gidc va thoa man mét trong cac diéu kién sau
1/ CA =CB. 2/ AB=AC.

12
55

Cao ding Sw Pham Vinh Phiic khéi A nim 2002

ps: 1/ 0[0;1]. 2/ 0(3;2) v C
2

Trong mit phing toa dd Oxy, cho AABC va diém M (—1; 1) 1a trung diém cua AB. Hai canh
AC va BC theo thir ty ndm trén hai duong thang 2x +y—2=0vax+3y—-3=0.

1/ Xéc dinh toa do ba dinh A, B, C cia AABC va viét phuong trinh dudng cao CH.

2/ Tinh dién tich AABC.

3 4

ps: 1/ A(L0), B(—32), C g;g] vaCH:10x—5y—2=0. 2/ S g(dvdt).

AABC

Cao diang Nong LAm nim 2003

Trong mit phang véi hé truc toa d6 Oxy, cho hai dudng thing x +y —1 =0 va

3x —y 4+ 5 = 0. Hiy tim dién tich hinh binh hanh c¢6 hai canh nam trén hai duong thang da
cho, mot dinh 12 giao diém cua hai duong thang d6 va giao diém ctia hai duong chéo 1a 1(3; 3) .

bS: S :55(dvdt).

ABCD

Cao ding Sw Pham Phii Tho khéi A nim 2003

Trong mat phﬁng v6i hé truc toa d6 Décac Oxy cho tam gidc ABC c¢6 dinh A (2; —3),

B(3;~2) va dién tich tam gidc ABC bang % . Biét trong tAm G ctia AABC thudc dudng thing
d:3x—y—8= 0. Tim toa do diém C.

BS: C(L-1) v C(48).

Cao ding khéi D, M nim 2004 — Pai hoc Hung Vwong

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho AABC biét dinh A (3;9) va

phuong trinh cdc duong trung tuyén BM, CN lan luot 1a 3x —4y +9 =10, y —6 = 0. Viét
phuong trinh dudng trung tuyén AD cua tam gidc da cho.
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bS: AD:3x+4+2y—27=0.

Bii91. Cao ding Piéu Dudng chinh quy nim 2004 — Pai hoc Piéu duong

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho AABC c6 dinh A (0;1) va
hai dudng thing chira cic dudng cao vé tir B va C c6 phuong trinh tuong tmg 1a
2x —y—1=0 va x4+ 3y —1 = 0. Tinh dién tich AABC.

pS: S, = 14<dvdt>.

AABC
B3i92. Cao dang khdi A nim 2004
Cho tam gidc ABC c6 A (—6;—3), B(—4;3), C(9;2).
1/ Viét phuong trinh cdc canh ctia AABC.
2/ Viet phuong trinh duong phan gidc trong cua géc A cua tam gidc ABC.
3/ Tim di€ém M trén canh AB va tim di€m N trén canh AC sao cho MN // BC va AM = CN.
AB:3x—y+15=0
bS: 1/ jAC:x-3y—-3=0 . 2/ d,:y=x+3. 3/ M[—3—72;%], N
BC:x+13y—-35=0

33 4
77

B3i93. Cao ding Sw Pham Hai Phong nim 2004

Trong mit phiang véi hé truc toa dd Oxy, cho hai duong thing A x—y+1=0,
A, :2x+y—1=0 vadiém P(21).
1/ Viét phuong trinh duong thang di qua diém P va giao diém I ctia hai dudng thang A; va A,.

2/ Vi7ét phuong trinh duong thiang di qua diém P va cit hai duong thang Aj, A; lan luot tai hai
diem A, B sao cho P la trung diém AB.

bS: 1/ y—1=0. 2/ d=AB:4x —y —7 = 0 (c6 thé giai theo 3 céch).
Bii94. Cao ding Sw Pham Kom Tum nim 2004

Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho hai diém A (—1;2) va

B (3;4). Tim diém C trén duong thang d : x — 2y + 1 = 0 sao cho AABC vuong & C.

ps: 0(3;2) v C

3.4
57

B3i95. Cao ding Kinh T¢é Ky Thuat Cong Nghiép I khoi B nim 2004
Trong mit phiang v6i hé truc toa dd Oxy cho dudng thang d : 2x + 3y +1 = 0 va diém

M (1; 1) . Viét phuong trinh ciia cdc duong thang di qua diém M va tao voi duong thang d mot
géc 45°.
DS: x — 5y +4 = 0. C6 thé giai theo hai cach.

B3i96. Cao ding Kinh T¢é Ky Thuat Cong Nghiép I khoi A nim 2004

Trong mit phiang véi hé truc toa dd Descarter vudng géc Oxy, cho hai diém A (3; — ) va
B (3; 5) . Hay viét phuong trinh dudng thing di qua diém I(—2; 3) va cich déu hai diém A, B.
bS: x4+2=0V x+5y—-13=0.

Bai97. Cao ding Miu Gido TW 1 niam 2004
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Bai 102.

Bai 104.

Trong mat phéng vai hé truc toa do Decac Oxy, xét AABC voi AB:x—2y+7=0, cac
duong trung tuyén ké tir A, B 14n lugt ¢6 phuong trinh x +y —5=0 va 2x +y —11 = 0.
Hay tinh dién tich cia AABC va lap phuong trinh hai duong thing AC va BC.

psS: S :45(dvdt)vaAc:16x+13y—68=0, BC:17x + 11y —106 = 0.

e N le ?
Cao ding khéi T - M truwong Pai hoc Hiung Vwong nim 2004

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho AABC biét dinh A (3;9) va
phuong trinh cdc dudng trung ’tuyén BM,CNlanluotla : 3x —4y +9=0 va y —6 = 0. Viét
phuong trinh duong trung tuyén AD.

bS: AD:3x +2y —27=0.

Cao ding Cong Nghiép IV nim 2004

Trong mat phéng véi hé truc toa d§ Descarter vudng géc Oxy, cho AABC vudng tai A voi

B <—3; O), C (7; O), bén kinh dudng tron noi tiép r = 2\/5 — 5. Tim toa d tm I ctia duong
tron ndi tiep AABC, bict dieém I ¢6 hoanh d§ duong.

ps: 1(2+Jﬁ; 2@—5) v 1(2—@; 2@—5).

. Cao dang Tai Chinh Ké Todn nam 2004

Trong mit phang véi hé truc toa dd Oxy, cho ba diém A (2;1), B (—2; 3), C (4; 5). Hay viét
phuong trinh cac dudng thang cach déu ba diém A, B, C.

MN:x—-3y+6=0
DS: La cdc duong trung binh AABC {NP:x+2y—-9=0.

MP:2x—y+2=0

, Cao ding khéi A, B nim 2005

Mot hinh thoi ¢6: mot dudng chéo phuong trinh 1a x + 2y — 7 = 0, mot canh c6 phuong trinh

la x + 3y —3 = 0, mot dinh 1a (0; 1) . Tim phuong trinh c4c canh cua hinh thoi.
Cao ding Sw Pham KomTum nim 2005
Trong mit phang véi hé truc toa d6 Oxy cho diém M [2;2] va hai dudng thing

(AI) x—2y=0, (AQ) : 2x —y = 0. Lap phuong trinh dudng thang d qua M cit <A1) , (Az)

lan luot tai A, B sao cho M 1a trung diém cua doan AB.

. Cao ding Sw Pham Vinh Long khéi A, B nim 2005

Trong mat phéng vai hé truc toa d6 Oxy, cho AABC ¢6 A (1; 3) va hai duong trung tuyén Xuét

phat tir B va C lan lugt c6 phuong trinh: x —2y +1 =0 va y — 1 = 0. Hay lap phuong trinh
cac canh cua AABC.
bS: AB:x—y+2=0, BC:x—4y+1=0, CA:x+2y—-7=0.

Cao dang Sw Pham Ha Ngi nim 2005
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Bai 105.

Bai 106.

Bai 107.

Bai 109.

Bai 110.

Trong mit phang véi hé truc toa d6 Oxy, cho AABC c6 diém A (1;2) , duong trung tuyén BM

va duong phan giac trong CD tuong ung cé phuong trinh 2x +y+1=0, x +y —1=0. Hay
viét phuong trinh dudng thang BC.
bS: BC:4x+3y+4=0.

Cao ding Bén Tre nam 2005
Trong mat phéng véi hé truc toa do Oxy, viét phuong trinh cdc canh cia AABC biét dinh
A (4; — 1), phuong trinh mot dudng cao va mot dudng trung tuyén vé ciing mot dinh lan lugt 1a

d :2x—-3y+12=0vad, :2x+3y =0.

bS: AB:3x+7y—-5=0, AC:3x+2y—-10=0, BC:9x+ 11y +5=0.

Cao diang Kinh Té Ky Thuat Cin Tho nim 2005

Trong mit phang véi hé truc toa dd Oxy, cho AABC c6 dinh A (1; 3), phuong trinh dudng cao

BH : 2x — 3y — 10 = 0 va phuong trinh duong thang BC : 5x — 3y — 34 = 0. Xéc dinh toa
d0 cac dinh B va C.

BS: B(8;2), C(5-3).
Cao ding Sw Pham Ha Nam khéi H nim 2005
Trong mit phiang véi hé truc toa dd Descarter vudng géc Oxy, cho A (1;2), B (—5; 4) va

duong thing A : x + 3y — 2 = 0. Tim diém M trén duong thang A sao cho [MA + MB

ngan nht.

D_S:M—§;§.
22

, Cao dang Sw Pham Quing Ninh khéi A nim 2005

Trong mat phéng véi hé truc toa d§ Descarter vudng géc Oxy, cho AABC c6 diém A (2; —1)
va hai duong phén gidc trong cua hai géc B, C lan lugt ¢6 phuong trinh

(AB) :x —2y+1=0, (AC) :x +y + 3 =0. Viét phuong trinh canh BC.

bS: BC:4x—y+3=0.

Cao ding Sw Pham Pién Bién khéi A, B niim 2005

Trong mit phang v6i hé truc toa d6 Descarter vudng géc Oxy, cho AABC vudng ¢ A. Biét toa
do A (3;5), B (7;1) va duong thang BC di qua diém M<2; 0). Tim toa d6 dinh C.

BS: C(-3;-1).

Cao ding Sw Pham Ca Mau khéi A nim 2005

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai diém A (1; 1), B (2; 1)
va duong thang d : x — 2y +2 = 0.

1/ Chung to rang hai diém A, B & vé cling mot phia cua d.

2/ Tim toa d6 diém M thudc d sao cho tong khoang céch (MA + MB) bé nhit.
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Bai 114.

DS: M

23 16
157131

. Cao dang Truyén Hinh khéi A nim 2005

Trong mat phﬁng véi hé truc toa do Oxy, cho AABC c6 AB = AC, BAC =90". Biét

M (1; —1) 1a trung diém canh BC va G [% ; 0] 1a trong tdm cua AABC. Tim toa d¢ dinh A, B, C.

. Cao dang Cong Pong Vinh Long khoi A, B nim 2005

Trong mat phéng vai hé truc toa do Oxy, cho AABC c¢6 dinh A (3; 0) va phuong trinh hai
duong cao (BB ') 12x+2y—9=0 va (CC ') : 3x — 12y — 1 = 0. Viét phwong trinh céc canh
cua tam giac ABC.

, Cao dfing Su Pham Ha Ngi khéi D1, T nim 2005

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho AABC c6 A (2; —4),

B (O;2) va diém C thudc duong thfmg: 3x —y +1=0, dién tich AABC bﬁng 1 (don vi dién
tich). Hay tim toa d6 diém C.
1 1

ps: c[ —| v c(—1;—2).

Cao ding Kinh Té - K§ Thuat Cong Nghiép I khoi A nim 2006
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ba diém A (1;2), B (3; 1),

C <4; 3) . Chirng minh ring AABC 1a tam gidc can. Viét phuong trinh cic duong cao ctia tam
giac do.
bS: AH:x+2y—-5=0, Bl:3x+y—-10=0, CK:2x—y—-5=0.

. Cao ding Xay Dung s6 2 khoi A nim 2006

Trong mat phéng véi hé truc toa do Descarter vudng géc Oxy, cho mdt tam gidc ¢ mdt dinh 1a
A (4; 3), mot dudng cao va mot duong trung tuyén di qua hai dinh khac nhau c6 phuong trinh
lan lugt 1a 3x —y +11 =0 va x +y — 1 = 0. Hay viét phuong trinh céc canh tam gi4c.

bS: AC:x+3y—13=0, AB:x—2y+2=0, BC:7x+y+29=0.

. Cao ding Giao Thong Van Tii III Tp. H6 Chi Minh khéi A nim 2006

Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho hinh thoi ABCD ¢6 phuong
trinh hai canh va mot duong chéola AB: 7x —11y +83 =0, CD: 7x — 11y — 53 = 0,
BD:5x — 3y +1 = 0. Tim toa d6 B va D. Viét phuong trinh duong chéo AC, rdi suy ra toa
do6 cua A va C.

BS: AC:3x+5y—13=0= A(-45), C(6;—1).

. Cao ding Ban Cong Hoa Sen khdi A nim 2006

Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho hai dudng thing c6 phuong
trinh: d, :2x — 3y +1=0, d,:4x +y —5= 0. Goi A la giao diém ctia d; va d,. Tim diém

B trén d, va diém C trén d, sao cho AABC ¢6 trong tam la diém G (3; 5) .
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61 43

DS: A(l;l), B i~

o[58
e

Bai 118. Cao ding Kinh Té Ki Thuit Can Tho khoi A nim 2006
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho AABC véi A (2; 1),
B (4;—3) va C <m;—2>. Dinh m dé AABC vudng tai C.
PS: m=1V m=>5.
Bai 119. Cao ding Pién Luc Tp. H6 Chi Minh nim 2006
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng thang d c¢6 phuong
trinh x +y — 3 = 0 va hai diém A(l;l), B <—3;4) . Tim toa d¢ diém M thudc duong thang d
sao cho khoang cach trt M dén duong thing AB bang 1.
BS: M(0;3) v M(10;-7).

Bii 120. Cao dang Kinh Té - Cong Ngh¢ Tp. H6 Chi Minh khéi D1 nam 2006

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho AABC vudng can tai

A (4;1) va canh huyén BC c6 phuong trinh: 3x — y 4+ 5 = 0. Viét phuong trinh hai canh géc
vuong AC va AB.
DS: AC:x—2y—2=0vaAB:2x+y—9=0.

Biai 121. Cao ding Sw Pham Binh Phuwéc nim 2006

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho A (— 1; 1), B (—4; 3). Tim
diém C thugc duong thang x + 2y 4+ 1 = 0 sao cho khoang céch tir diém C dén duong thang

AB bang 6.
ps: c|2._27| C(-7;3).
1’ 11

Bii 122. Cao ding Sw Pham Tra Vinh khéi M nim 2006
Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho AABC biét C (—2; —4),

trong tam G (0; 4) va M (2; O) 1a trung diém canh BC. Hay viét phuong trinh duong thang
chira canh AB.
bS: AB:4x +5y—44 = 0.

Bai 123. Cao diang K§ Thuit Cao Thing nim 2006
Trong mit phang véi h§ truc toa d Oxy, cho dudng thang d : 33{ — 4y +1=0.Hay viét
phuong trinh duong thiang song song vai d va ¢6 khoang cach dén d bang 1.
BS: A :3x—-4y—-4=0V A,:3x—4y+6=0.

Bii 124. Cao ding Kinh T¢é Tp. Hé6 Chi Minh nim 2007

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai dudng thang

d :x+y+1=0 d,:2x—y—1=0 vadiém M(2—4). Viét phuong trinh duwong thing A
diqualva cit dy, d, 1an Iuot tai A va B ma I la trung diém cua AB.

DbS: A=AB:x+4y—-14=0.
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Bai 125.

Bai 133.

Cao ding Kinh Té D6i Ngoai nim 2007
Trong mat phang toa d6 Oxy, cho AABC. Biét diém B (4; —1), duong cao AH c6 phuong trinh

1a : 2x — 3y 4+ 12 = 0, dudng trung tuyén AM c6 phuong trinh : 2x 4 3y = 0. Viét phuong
trinh cdc duong thang chita cdc canh ciia tam gidc ABC.

BS: A(-3:2), B(4;1), C(8;-7).

. Cao dang Xay Dung s6 2 nim 2007

Viét phuong trinh cc canh ciia AABC biét dinh A <1; 1), dudng trung tuyén va duong cao di
qua dinh B 1an luot c6 phuong trinh: 3x + 4y —27 =0, 2x+y—8=0.
bS: AB:x=1, AC:x—2y+1=0, BC:x+8y—49=0.

. Cao ding Cong Nghi¢p Thue Phim nim 2007

Trong mat phéng vai hé truc toa dd Descarter vudng géc Oxy, cho AABC c6 dinh A (2; —7),

trung tuyén CM, dudng cao BK ¢6 phuong trinh 1an luot 1a x + 2y +7 = 0 va
3x 4+ y + 11 = 0. Viét phuong trinh cic duong thang AC va BC.

bS: AC:x—3y—23=0vaBC:7x+9y+19=0.

., Cao ding khéi A, B, D nim 2008

Trong mat phéng véi hé truc toa do Oxy, tim diém A thudc truc hoanh va diém B thudc truc
tung sao cho A va B doi xung v6i nhau qua duong thang d : x —2y +3 = 0.

BS: A(20), B(0;4).

. Cao dang A, B, D niim 2011 (Chwong Trinh Co Ban)

Trong mit phang véi hé toa dd Oxy, cho dudng thang d : x + y + 3 = 0. Viét phuong trinh
duong thang di qua diém A (2; —4) va tao voi duong thang d mot géc bang 45°.

DS: A :y+4=0V A :x-2=0.

. Cao dang A, B, D niim 2011 (Chwong Trinh Nang Cao)

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c¢6 phuong trinh céc canh 1a
AB:x+3y—7=0, BC:4x+5y—7=0, CA:3x+2y—7=0. Viét phuong trinh
duong cao ké tir dinh A cta tam gidc ABC.

bS: AH:5x—4y+3=0.

. Pai hoc Sw Pham-Kinh té-Tai Chinh—-Néng Nghiép Tp. Ho Chi Minh nim 1977

Trong mit phang toa dd vudng géc Oxy, hdy viét phuong trinh dudng thang di qua giao diém
cua hai duong thang : 3x — 5y +2 = 0, 5x —2y + 4 = 0 va song song v4i duong thang
2x —y+4=0.

bS: d:38x—19y +30=0.

. DPai hoc Thé Duc Thé Thao Tp. H6 Chi Minh nim 1977

Trong mit phang toa dd vudng géc Oxy, hiy lap phuong trinh dudng phan gidc ctia géc th tao
boi hai duong thing A :3x —4y +12=0, A, :12x+3y—7=0.

ps: d:(60—9\/5)x+(15—12ﬁ)y—35+36\/ﬁ:0.

Pai hoc Tong Hop Tp. H6 Chi Minh khéi B nim 1978
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Bai 138.

Bai 139.

Trong mit phang toa dd vudng géc Oxy, cho hai duong thiang d; va d, 1an luot c6 phuong trinh:
d:x+y=1 d,:x-3y+3=0.Hay viét phuong trinh duong thang d ddi ximg voi d,

qua duong thang d;.
bS: d:3x—-y+1=0.

. Dai hoc Thé Duc Thé Thao Tp. H6 Chi Minh niim 1978

Trong mit phang toa dd vudng géc Oxy, cho tam gidc cAn PRQ, biét phuong trinh canh day
PQ:2x -3y +5 =0, canhbén PR : x + y +1 = 0. Tim phuong trinh canh bén RQ biét

rang né di qua diém D (1; 1) .
bS: RQ:17x+7y—24=0.

. Dai hoc Bach Khoa - Pai hoc Tong Hop Tp. H6 Chi Minh nim 1979

Trong mit phang toa dd vudng géc Oxy, cho dudng cong (C) .y = /x> +9 va duong thang

d:ax—5y—32=0.

1/ Vé duong cong da cho.

2/ Tinh khoang cdch z tir mot diém M tiy ¥ ctia dudng cong dén duong thang d theo hoanh d6
X cia M.

3/ Tinh khoang cdch ngan nhat giita dudng cong va duong thang.

" 2 ‘4X—5 X2+9—32‘
pS: 1/ V& (H):g—z—y—:—l 5 trén Ox. 2/ 7z =

3 Jai

N M[4 _E]
5

, Pai hoc Y - Nha — Dwgce Tp. Ho Chi Minh nim 1980

Trong mit phang toa dd vudng géc Oxy, hiy viét phuwong trinh duong thing di qua diém
A (1;2) ma khoang cich tir diém M (2; 3) va diém N (4; —5) dén duong thang ay bang nhau.

bS: d:3x+2y—-7=0 VvV d:dx+y—-6=0.

. Hoc Vién Ngan Hang Tp. H6 Chi Minh nim 1991

Trong mit phang toa do Descartes vudng géc, cho AABC c6 dinh A (2;2) . Lap phuong trinh
cac canh cua AABC. Biét rang cac duong thang 9x —3y —4 =0 va x +y —2 =0 lan luot la
cac duodng cao cua tam gidc xuat phat tir B va C.

bS: AC:x+3y—-8=0,AB:x—y=0,BC:7x+5y—-8=0.

Dai hoc Can Tho 1993 - Pai hoc Hang Hai 1995 - Trung Tam Dao Tao Cén By Y Té Tp.
Ho Chi Minh nim 1997 — Hoc Vién Hang Khong 2001

Lap phuong trinh céc canh cua tam gidgc ABC néu biét B (2; — 1), duong cao qua A va duong
phan gidc trong géc C c6 phuong trinh 1an lugt 1a 3x — 4y +27 =0; x +2y —5=0.

bS: AB:4x+7y—1=0, BC:4x+3y—-5=0, AC:y =3.

Loi binh

Phuong trinh duong thing x 4+ 2y — 5 = 0 1a phuong trinh duong phan gidc ngoai ciia g(’)c C,
khong phai la phuong trinh duong phén gidc trong géc C. Dé ra thiéu chinh xdc. Mot sd truong

Pai hoc da ra dé nay dé tuyén sinh ma khong phat hién ra, .. O day, t6i dd ddi lai duong phan
gidc ngoai géc C 1a x + 2y — 5 = 0 va gidi ra két qua nhu trén.

Trung Tam Pio Tao Can B Y T¢ Tp. H6 Chi Minh nim 1993
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Bai 140.

Trong mit phang toa d¢ vudng géc Oxy, cho hai diém P (2; 5) va Q (5; 1) . Lap phuong trinh
duong thang qua P cach Q mot doan c¢6 do dai bang 3 .
bS: d:x—2=0 VvV d:7x+24y—-134=0.
Pai hoc Phap Li Tp. H6 Chi Minh nim 1994
Trong mit phiang véi hé truc toa d6 Descarter vudng géc Oxy, cho ba dudng thing:
d :3x+4y—-6=0,d,:4x+3y—-1=0,d,: y=0.Goi A=d nd,, B=d,Nd,,
C=d,Nnd,.
1/ Viét phuong trinh dudng phén gidc trong ciia géc A cia AABC va tinh dién tich AABC.
2/ Viét phuong trinh dudng tron ndi tiecp AABC.

21

PS: 1/ d, :x+y—1=0wa SAABC:Z(dvdt).
Jiz o) 13| (Vo)
S e B A e e

. Pai hoc Tong Hop Tp. Ho6 Chi Minh khéi A, B nim 1994

Trong mit phang toa dd vudng géc Oxy, cho hai duong thang d; va d, lan lugt cé phuong trinh:
d, lc—y+k=0, d,:(1-K)x+2ky —(1+K)=0.

1/ Chiting minh rang khi k thay doi, duong thang d; ludn di qua mot diém cb dinh.

2/ V&i mdi gid tri k, hiy xdc dinh giao diém cta d; va ds.

3/ Tim quy tich cia giao diém d6 khi k thay doi.

1-k* 2k

BS: 1/ M (~10). 2/ M =
o 1+k2 1_|_k2

3/ Puong tron: x° +y° =1 loai M, (— 1;0).

. Pai hoc Bach Khoa Ha N§i nam 1994

Phuong trinh hai canh mot tam gidc trong mat phang toa do 1a: 5x — 2y + 6 = 0;

4x + 7y —21 = 0. Viét phuong trinh canh th ba ctia tam gidc, biét truc tim H triing véi goc
toa do.

bS: BC:y+7=0.

. DPai hoc M6 — Pia Chit nim 1995

Lap phuong trinh cdc canh AABC néu biét A (1; 3) va hai duong trung tuyén c6 phuong trinh
lax—2y4+1=0vay—-1=0.
bS: AB:x+2y—-7=0, AC:x—y+2=0, BC:x—4y—-1=0.

. DPai hoc Quéc Gia Ha Ngi nim 1995

Trén mat phéng toa do tryc chuin da cho céc diém P (2; 3), Q (4; —1), R (—3; 5) la céc trung
diém ctia cdc canh ctia mot tam gidc. Hiy 1ap phuong trinh ciia cdc dudng thing chira cic canh
cua tam giac do.

bS: BC:6x—Ty—3=0, AB:2x+y+1=0, AC:2x+5y—-3=0.

. DPai hoc Sw Pham Ha Noi 2 — Khoi A va Pai hoc Sw Pham Quy Nhon niim 1995

Lap phuong trinh cic canh cia AABC trong maét phéng v6i hé truc toa do truc chuén Oxy, néu
cho C (—4; —5) va hai duong cao c¢6 phuong trinh 5x +3y —4 =0 va 3x + 8y + 13 =0.
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Bai 146.

Bai 150.

Bai 151.

Bai 152.

bS: BC:3x—-5y—-13=0, AC:8x—3y+17=0, AB:5x+2y—1=0.

Pai hoc Van Hoa Ha Ngi nam 1995

Lap phuong trinh cdc canh cta hinh vudng biét rang hinh vudéng dé c6 dinh Ia (—4; 8) va mot
duong chéo c6 phuong trinh : 7x —y +8 = 0.

bS: AB:3x—4y+32=0, AD:4x+3y+1=0, BC:4x+ 3y —24 =0,
CD:3x—4y+7=0.

. Pai hoc Y Khoa Ha N¢i nam 1995

Trong mat phéng toa d6 vudng géc Oxy, cho hai duong théng d; va d, 1an lugt ¢6 phuong trinh:
d, : (a—b)x+y =1lvad,: (a2 —b2)X—|—ay =D véi a® + b*> > 0. Xdc dinh giao diém cia

d; va d,, bién luan theo a, b sb giao diém éy.
b=0(a=b) d //d,

DS: TH,.
b=a d =d,

THo,. aiOAbiOédlﬁdzzA[%;%].

. Pai hoc Can Tho nim 1995

Trong mit phang toa d6 vudng géc Oxy, cho A (2; —3), B (3; —2) . Trong tam G cuia AABC
nam trén duong thang d : 3x — y — 8 = 0, dién tich AABC bang % . Tim toa d¢ diém C.

DS: 0(1;—1) Vv C(=2-10).

. Pai hoc Tai Chinh Ha N§i nam 1996

Trong mat phéng toa do vuong géc Oxy, cho AABC c6 M (—2; 2) la trung diém cia BC, canh

AB c6 phuong trinh: x — 2y — 2 = 0, canh AC c6 phuong trinh: 2x + 5y + 3 = 0. Xd4c dinh

toa do cac dinh cua AABC.

ps: A[4 7| p[10,11] o[ 70.2)
9 99

9 9°9

Pai hoc Vin Lang dot 1 khéi B, D nim 1997

Trong mit phang toa dd Oxy, cho dudng thang d c6 phuong trinh 3x + 4y —12 = 0.
1/ Xéac dinh tga d6 qua cac giao diém A, B cua d 1an luot véi truc Ox, Oy.

2/ Tinh toa d6 hinh chiéu H ctia gbc O trén duong thang d.

3/ Viét phuong trinh duong thing d' dbi xtmg véi d qua O.

36 48

D200 3/ 4 3x+4y +12=0.
2525

BS: 1/ A(40), B(0;3). 2/ H[

Pai hoc An Ninh dé 2 khéi D nim 1997

Trong mit phang toa d6 cho diém A (0;2) va diém B (m; —2) . Hay viét phuong trinh dudng
thang trung tryc d ctia AB. Chirng minh ring d ludn tiép xiic véi dudng cong (C) c6 dinh khi
m thay doi.

m m’ . 1
PS: d:y=—x——, ludn tiép xidc véi parabol (P):y = =x°.
BS: d:y=- < p p (P):y 2

Pai hoc Hué khoi D nim 1997
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Bai 155.

Bai 156.

Trong mit phang toa 6 Oxy, cho hai dudng thang A dx =3y —12 =0,

A, idx +3y—-12=0.

1/ Tim toa d¢ cac dinh cua tam gidc c6 ba canh lan luot ndm trén cdc duong thﬁng A1, Ay va
truc tung.

2/ Xéc dinh tim va ban kinh duong tron ndi tiép ciia tam gidc néi trén.

. . : . 4. _4
ps: 1/ A(o, 1), B(0;4), 0(3,0). 2/ E[3,0], r=g

. Dai hoc Sw Pham Ha N¢i 2 nam 1997

Trong mit phang toa d6 Oxy, cho A(2; 1), B (0; 1), C(3; 5), D(—3; —1) .

1/ Tinh dién tich t&r gidc ABCD.

2/ Viét phuong trinh céc canh ctia hinh vudng c¢6 hai canh song song di qua A va C va hai canh
con lai di qua B va D.

MN:7Tx+y—-15=0 MN:x—-3y+1=0

PQ:7Tx+y—-26=0 PQ:x—-3y+12=0

NP:x—-Ty+7=0 v NP:3x+y—-1=0

MQ:x—T7y—4=0 MQ:3x+y+10=0

pS: 1/ S :6(dvdt). 2/

ABCD

. Pai hoc Y Duge Tp. Ho Chi Minh h¢ Cir nhan nim 1997

Cho AABC, canh BC c6 trung diém M (0; 4), con hai canh kia c6 phuong trinh 1a

2x+y—-11=0vax+4y—2=0.

1/ Xac dinh dinh A.

2/ Goi C la dinh ndm trén duong thang x — 4y —2 = 0 va N la trung diém AC. Tim toa diém
N r6i tinh toa do B, C.

ps: 1/ A(6;—1). 2/ C(—2;1), B(2;7).

Pai hoc Qudc Gia Tp. Ho Chi Minh khdi A — Pai hoc Luit nim 1997

Trong mit phang toa d6 vudng géc Oxy, cho duong thing d : 2x + y — 4 = 0 va hai diém
M(3;3),N(~5;~19). Ha MK L d va goi P la diém ddi xtmg ctia M qua d.

1/ Tim toa d6 diém K va P.

2/ Tim diém A trén d sao cho AM + AN c6 gid tri nho nhét va tinh gi4 tri do.

pS: 1/ K(12), P(~11). 2/ A(-310)= (AM+AN) = 2s5.

Pai hoc Pa Lat nam 1998

Trong mit phang toa d6 vudng géc Oxy, cho hai duong thing d, : (a + 1) x—2y—a—-1=0
va d, :X—i—(&—l)y—a2 =0.

1/ Tim giao diém I cua d; va ds.

2/ Tim a dé duong thang qua M(O;a), N (a; 0) cling di qua diém L

ot 1 a+1) (a1
a?+1" a’+1 '

bS: 1/ 1 2/a:1\/a:—%.
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Bai 157.

Bai 163.

Pai hoc K§ Thuit Cong Nghé Tp. Ho Chi Minh khéi B, D nim 1998
Trong mit phang toa d6 Oxy, cho AABC c6 A<2;2) , biét tam gidc c6 hai duong cao la:
9x —3y—4=0vax+y—2=0.
1/ Viét phuong trinh cdc dudng trung truc cia tam gidc ABC.
2/ Viét phuong trinh dudng tron ngoai tiép AABC va xac dinh toa do trong tam AABC.
d,,:3x+3y—-8=0
A Y 5 9 185
BS: 1/ 1d,,:9x—3y+3=0 . 2/ (C):|x——| + y-| =, w6
d,. :15x—21y+41=0

BC

517
9' 9]

. Dai hoc Giao Thong Vian Tai Tp. Ho Chi Minh dé 1 nim 1998

Trong mat phﬁng toa do Oxy, cho hai diém A (— 1; 2) va B (3;4) . Tim toa d¢ diém C trén
duong thing: x — 2y +1 = 0 sao cho AABC vudng ¢ C.

pS: C(3:2) v C §;£].
575

. Dai hoc Pa Ning khoi A nim 1998

Trong mit phang toa d6 vudng géc Oxy, cho diém P (3; 0) va hai duong thang:

d :2x—y —’2 =0vad,:x+y —l—’3 = 0. Goi d la duong thang qua P va cat d ,d, lan lugt
0 A va B. Viét phuong trinh ctia d biet ring PA = PB.

bS: d:4x—5y—12=0V d:8x—y—-24=0.

. Dai hgc Viin Lang khéi B, D nim 1998

Trong mit phang toa d6 vudng géc Oxy, cho AABC c6 dinh B (3; 5), duong cao ké tir A ¢6
phuong trinh: 2x — 5y + 3 = 0 va dudng trung tuyén ké tir dinh C c¢6 phuong trinh:

x 4y —5=0. Tim toa d6 dinh A va viét phuong trinh cic canh ciia tam gidc.

bS: A(l;l),BC:5x+2y—25:0, AB:2x—y—-1=0, AC:x+4y—-5=0.

. Dai hoc Quéc Gia Tp. H6 Chi Minh dot 3 niim 1998

Trong mit phang toa d¢ vudng géc Oxy, cho AABC c¢6 trong tim G (—2; —1) va cdc canh
AB:4x+y+15=0va AC:2x+5y+3=0.

1/ Tim toa do dinh A va toa do trung diém M cutia BC.

2/ Tim toa do dinh B va viet phuong trinh duong thang BC.

ps: 1/ A(—4;1), M(-12). 2/ B(—3;—3), BC:x—2y—3=0.

. Pai hoc Hang Hai nam 1998

Trong mit phang toa 6 vudng géc Oxy, cho A (1; 1), B (—1; 3) va duong thing d ¢6 phuong
trinhd:x+y+4=0.

1/ Tim trén d diém C cdch déu hai diém A, B.

2/ Vi C vira tim dugc, tim D sao cho ABCD 1a hinh binh hanh. Tinh dién tich hinh binh hanh.
bs: 1/ C(—3;—1>. 2/ D(—l;—3> va S = 12(dvdt).

O0ABCD

Pai hoc Cin Tho nim 1998
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Bai 165.

Bai 168.

Bai 169.

Trong mit phing toa d6 vudng géc Oxy, cho AABC c6 dinh A (— 1; —3).

1/ Biét duong cao BH : 5x 4 3y — 25 = 0, dudng cao CK : 3x + 8y —12 = 0. Tim toa do
dinh B, C.

2/ Biét dudng trung truc cia AB 1a A : 3x 4+ 2y — 4 = 0 va trong tim G(4;—2) . Tim toa do
dinh B, C.

bS: 1/ B(25), C(4;0). 2/ B(51), 0(8;—4) .

. Pai hoc Van Héa Ha N¢i nam 1998

Trong mit phang toa dd vudng géc Oxy, cho AABC biét dinh C (4; —1) va duong cao, duong
trung tuyén ké tir mot dinh ¢6 phwong trinh 14n lugt 13 2x — 3x +12 = 0 va 2x + 3y = 0.
Tim phuong trinh cac canh ctia tam giac ABC.

bS: AC:3x+T7y—5=0, BC:3x+2y—10=0, AB:9x+11ly+5=0.

Pai hoc Hué khéi D nim 1998

Trong mit phang toa do vudng géc Oxy, hdy viét phuong tI‘iI}h dudng thang song song véi
d:3x —4y +1 =0 vaco khoang cach dén duong duong thang d bang 1.

bS: A:3x—4y—4=0V A:3x—4y+6=0.

. Dai hoc Kién Tric Ha Ngi nim 1998

Trong mit phang toa do vudng géc Oxy, cho ba diém A (2;4), B (3; 1), C (1; 4) va duong thiang
d c6 phuong trinh: d: x—y—1=0.

1/ Tim M € d sao cho AM + MB nh¢ nhat.

2/ Tim N € d sao cho AN + CN nho nhat.

E;Z]@(AM—FBM) ~Ji0. N[Q;E]@(AN+CN) _5.
11 77

min min

DS: 17 M

. Pai hoc Dan Lap Ky Thuit Cong Nghé khoi D nim 1999

Trong mit phang toa d§ vudng géc Oxy, cho diem M (—2; 3) . Tim phuong trinh duong thang d
qua M va cdch déu hai diém A (—1; o), B (2; 1) .

bS: d:x—-3y+11=0 Vv d:x+y—-1=0.

Pai hoc Cin Tho khéi A nim 1999

Trong mit phing toa dd vudng géc Oxy, cho ba diém A(—3;4), B (—5;—1), C(4;3) .

1/ Tinh d6 dai AB, BC, AC. Hiy cho biét tinh chat (nhon, ti1, vudéng) ctia cic géc trong
AABC.

2/ Tinh d6 dai duong cao AH ctia AABC va viét phuong trinh duong thang AH.

DS: 1/ AB =+/29, AC =50, BC =+/97  nhon.

2/ AH:3—7, AH:9x+4y +11=0.

Jor

Pai hoc My Thuit Cong Nghiép khdi A nim 1999
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Trong mit phang toa dd vudng géc Oxy, cho hai duong thang cé phuong trinh lan luot 1a:
d,:x—y—1=0,d,:3x—y+1=0 vadiém M(1;2). Viét phuong trinh duong thang d di

1
qua diém M, cit d; va d, 1an lugt tai M, M, va théa mdt trong cac diéu kién sau:

1/ MM, = MM, .
2/ MM, =2MM, .
bS: 1/ d=MM, : x-1=0. 2/ d=MM, :x+y—-3=0.
Bai 170. Pai hoc Dwoc Ha Noi nim 1999
Trong mit phang toa d¢ vudng géc Oxy, cho hai dudng thang d, : (a — b) x+y=1va
d, :(a” = b’)x+ay = b véi b = da’ +1.
1/ Xéc dinh giao diém cta d; va d,.
2/ Tim tap hop (E) cic giao diém cua d; va d, khi a, b thay doi.

2

2
a ) X y
’B] 2/ Ellipse (E).—12 + 1 S = 1
2

Bai 171. Pai hoc Pa Ning khdi A — Pai hoc Kinh Té Tp. Ho6 Chi Minh niim 1999

bS: 1/ M[—

o |~

Trong mit phang toa d6 vudng géc Oxy, cho hai dudng thing d:2x—y—2=0va
d,:2x+4y—-7=0.
1/ Viét phuong trinh dudng phén gidc cia gbc tao béi d; va ds.
2/ Viét phuong trinh duong thang qua diém P (3; 1) cung voéi dj, d; tao thanh tam gidc cin c6
dinh la giao cua d; va d,.
d:2x—-6y+3=0 A:3x+y—-10=0

bS: 1/ . 2/
- d:6x+2y—-11=0 A:x—=3y=0

Bai 172. Pai hoc Sw Pham Ha Ngi 2 nam 1999
Trong mit phang toa d¢ vudng géc Oxy, cho tam gidc ABC véi cac dinh A (—6; —3),
B(—4;3) va C(9;2).
1/ Viét phuong trinh dudng thing d chira duong phén gidc trong cua géc A ciia AABC.
2/ Tim diém P trén duong thang d sao cho tit gidc ABCP la hinh thang.
BS: 1/ d:x—y+3=0. 2/ P(1417) v P(2;5).

Bai 173. Pai hoc Kinh Té Quéc Dan Ha Noi nim 1999

Trong mit phing toa dd vudng géc Oxy, hdy viét phwong trinh dudng thing di qua diém
A(O; 1) va tao v6i dudng thang x + 2y + 3 = 0 mot géc bang 45°.

bS: d:3x+y—-1=0 VvV d:x—-3y+1=0.
Bai 174. Dai hoc Hang Hai nam 1999

Cho AABC ¢6 A (2;—1) va phuong trinh cdc duong cao la 2x —y +1=10, 3x +y+2=0.

Lap phuong trinh duong trung tuyén cua tam gidc qua dinh A.
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Bai 175.

Bai 177.

bS: AM:x+32y+30=0.
Pai hoc Mé Ban Cong Tp. H6 Chi Minh khéi A, B nim 2000
Trong mit phang toa d6 vudng géc Oxy, cho diém M(1;6) vad:2x—3y+3=0.

1/ Viét phuong trinh duong thang d; di qua M va song song véi d.
2/ Viét phuong trinh dudong théng d, di qua M, vudng géc véi d va xdc dinh toa d6 hinh chiéu
vudng goc cua M 1én duong thang d.

PS: 1/ d,:2x—3y +16 = 0. 2/ d,:3x+2y —15=0 va H(3;3).

. Pai hoc Tay Nguyén khéi D nim 2000

Trong mit phang toa d6 vudng géc Oxy, hdy lap phuong trinh tong quét ciia dudng thang di
qua diém 1(—2;3) va cich déu hai diém A (5; —1) va B(3;7).

bS: d:i4x+y+5=0Vd:y—3=0.

Pai hoc Sw Pham Ha Ngi 2 khdi A niim 2000

Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho AABC va dinh A (1; 1) . Céc
dudng cao ha tir B va C 1an luot nam trén cic dudng thang d; va d, theo thi ty ¢6 phuong trinh
—2x+y—8=0 va 2x + 3y — 6 = 0. Hay viét phuong trinh duong thang chtra dudng cao ha
tur dinh A va xdc dinh toa d6 dinh B, C cua AABC.

pS: 1[—%;2]:(11%27 AI:10x +13y — 23 = 0, B(-17;-26), C(30).

. Dai hoc Thwong Mai nam 2000

Trong mit phang toa d6 vudng géc Oxy, cho AABC c¢é A (2; —1) va phuong trinh hai duong
phan gidc trong ciia géc B va géc C lan lugt ¢6 phuong trinh: dy:x—2y+1=0va

d, :x+y+ 3= 0.Tim phuong trinh ctia duong thang chira canh BC.

bS: BC:4x—y+3=0.

. Hoc Vién Ngan Hang Tp. Ho Chi Minh nim 2000

Trong mit phiang v6i hé truc toa d Descarter vudng géc Oxy, cho AABC c6 dinh C (—2; —4)

va trong tam G (0; 4).

1/ Gia sir M(2;0) 1a trung diém cita canh BC. Xdc dinh toa o cdc dinh A va B.

2/ Gia sit M di dong trén dudng thang (D) : x + y — 2 = 0, tim quy tich diém B. Hay xdc dinh
M dé d6 dai canh AB la ngan nhat.

MA =3MG  [A(-412)

pS: 1/ {—. . =
CB=20M  |B(6:4)

2/ Quytichlad:x+y—10=0 va M[—i,%]

. Dai hoc Giao Thong Vin Tai khodi A nim 2001

Trong mat phéng v&i hé truc toa d¢ Descarter vudng géc Oxy, cho hinh binh hanh ABCD c¢é sd
do dién tich bang 4. Biét toa do cdc dinh A (1; 0), B (2; 0) va giao diém I cua hai duong chéo
AC va BD nam trén duong thiang y = x . Hiy tim toa do cic dinh C va D.

DS: 0(3;4), D(2;4) v C (—5;—4), D(—6;—4) .
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Bai 181.

Bai 183.

Bai 184.

Bai 185.

Bai 186.

Bai 187.

Hoc Vién Ky Thuit Quan Su nam 2001

Trong mat phfmg véi hé truc toa do Oxy, cho AABC cén, canh ddy BC c6 phuong trinh

x + 3y +1 = 0. Canh bén AB c6 phuong trinh x —y + 5 = 0. DPuong thidng chira canh AC di
qua diém M (—4; 1) . Tim toa d6 dinh C.

bS: Bacanh AABC dong quytaiM  VOli  Bai todn khong xdc dinh 3JC thoa yéu
cau bai todn.

. Pai hoc Nong Nghiép I nam 2001

Trong mit phang Oxy cho diém A (1; 1) va duong thang d ¢6 phuong trinh: 4x + 3y = 12.

1/ Goi B va C lan luot 1a giao diém cua d véi céc truc Ox va Oy. Xéc dinh toa d¢ truc tdm cua
AABC.

2/ Piém M chay trén duong thang d. Trén nira duong thang di qua hai diém A va M, lay diém

N sao cho AM.AN = 4. Diém N chay trén dudng cong nao ? Viét phuong trinh dudng
cong d6.

2 2
BS: 1/ H(-3-2). 2/ Nchay trén dudmg tron (C): [x - E] $ [y — E] =
Pai hoc Hang Hai nam 2001

Trong mit phang véi hé truc toa dd Oxy, cho diém M [g ;2] va hai duong thing c6 phuong

trinh y = g; y — 2x = 0. Lap phuong trinh duong thiang d qua M va cét hai duong thing néi
trén tai hai diém A va B sao cho M 12 trung diém ctia AB.

bS: y=2.

Pai hoc Hué khdi A,B,V nim 2001

Viét phuong trinh ba canh ctia AABC trong mit phing toa do Oxy, cho biét dinh C (4; 3),

duong phén gidc trong va dudng trung tuyén ké tir mot dinh ciia tam gidc ¢6 phuong trinh lan
lugtla x4+ 2y —5 =0 va 4x 4+ 13y —10 = 0.

bS: AC:x+y—-7=0, AB:x+7y+5=0, BC:x—8y+20=0.

Pai hoc Kinh Té Qudc Dan nim 2001

Trong mat phfmg v6i hé truc toa do truc chudn Oxy, hay lap phuong trinh c4c canh cia AABC
néu cho B (—4; 5) va hai duong cao ha tir hai dinh con lai cia tam gidc 1an luot c6 phuong
trinh: 5x +3y —4 =0 va 3x+ 8y +13 =0.

bS: BC:3x—-5y+37=0, AB:8x —3y—47 =0, AC:2535x — 3016y + 29033 = 0.
Pai hoc khéi A nim 2002

Trong mit phang véi hé toa do Pécic vudng géc Oxy , xét tam gidc ABC vudng tai A, phuong

trinh dudng thing BC 1a v/3x — y — /3 = 0, cdc dinh A va B thudc truc hoanh va ban kinh dudng
tron ndi tiép bang 2. Tim toa do trong tim G cua tam gidc ABC.

7+4M3 6443 L [-43-1 —6-23
3 3 7

3 3

pS: G, , G

2

Pai hoc khdi B nim 2002
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Bai 188.

Bai 190.

Bai 194.

Trong mit phang véi hé toa do Pécdc vudng géc Oxy, cho hinh chit nhat ABCD c6 tim
I[l; 0
2
dinh A, B, C, D biét rang dinh A c¢6 hoanh d6 am.

DS: A(—z;o), B(2;2), 0(3;0), D(—1;—2).

, phuong trinh dudng thang AB 1a x —2y +2 =0 va AB = 2AD. Tim toa d¢ cic

Pai hoc khéi B nim 2003
Trong mit phang véi hé toa d6 Décac vudng géc Oxy , cho tam gidec ABC ¢c6 AB = AC,

EZATJ —=90°. Biét M(l;—l) 1a trung diém canh BC va G [%, 0] 1a trong tam tam gidc ABC.

Tim toa d0 cac dinh A, B, C.
DS: A(0;2), B(4;0), C(—2—2).

. D bi 1 - Pai hoc khdi D nim 2003

Trong mit phang véi hé toa @ Oxy, cho tam gidc ABC c6 dinh A (1; 0) va hai duong thang
lan luot chira cac dudng cao vé tir B va C c6 phuong trinh tuong tmg 1a: x — 2y +1 = 0,

3x +y —1 = 0. Tinh di¢n tich tam gidc ABC.

BS: B(-5-2), C(~L4) S, =14.

Pai hoc khoi A nim 2004

Trong mat phéng v&i hé toa do Oxy, cho hai diém A (0; 2) va B (—\/g P — 1) . Tim toa d0 truc tAm

va toa do tAm dudng trdn ngoai tiép clia tam gidc OAB.

pS: H(\/g;—l), 1(—x/§;1).

. Dai hoc khéi B niim 2004

Trong mit phang véi hé toa dd Oxy, cho hai diém A (1; 1) , B (4; —3) . Tim diém C thudc dudng
thang x — 2y — 1 = 0 sao cho khodng cich tir C dén duong thang AB bang 6.

bS: C, (7;3), G, [——;—— .

. Dai hoc khéi D nim 2004

Trong mit phang véi hé toa 46 Oxy, cho AABC ¢6 céc dinh A (—1; 0), B (4; 0), C (0; m) voi
m = 0. Tim toa do trong tim G ciia AABC theo m. Xéac dinh m dé tam gidc GAB vuong tai G.

pS: G[l;%], m = 436 .

. Du bi 2 - Pai hoc khdi A nim 2004

Trong mit phang véi hé toa dd Oxy, cho diém A(O;Q) va duong thang d : x — 2y +2 = 0. Tim
trén d hai diém B, C sao cho tam gidac ABC vudng 6 B va AB = 2BC..

E:Bz;g.
55

Du bi 1 - Pai hoc khéi B nim 2004
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Bai 195.

Bai 196.

Trong mit phiang voi hé toa do Oxy, cho diém I(—Q; 0) va hai dudng thang d :2x—y+5=0,
d, : x+y —3 = 0. Vi€t phuong trinh duong thang d di qua di€ém I va cat hai duong thang d;, d;
14n luot tai A, B sao cho I_K = 21_]§.

bS: d:7x—-3y+6=0.

Du bi 1 — Pai hoc khéi D nim 2004

Trong mit phang véi hé toa dd Oxy , cho tam gidc ABC vudng & A. Biét A (—1; 4), B (4; —1) )

duong thang BC di qua diém K [g ;2] . Tim toa d dinh C.

Dy bi 2 - Pai hoc khéi D nim 2004
Trong mit phang voi hé toa d Oxy, cho diém A (2; 3) va hai dudng thiang d:x+y+5=0,
d, :x+2y —7=0.Tim toa df cic diém B trén d; va C trén d, sao cho tam gidc ABC c6 trong

tam G(2; o).

. Dai hoc khoi A nim 2005

Trong mit phang véi hé toa dd Oxy, cho hai duong thang d:x—y=0vad, :2x+y—-1=0.
Tim toa d6 cac dinh hinh vuéng ABCD biét r@ing dinh A thudc d,, dinh C thudc d, va cac dinh B, D
thudc truc hoanh.

DS: A(1;1),B(0,0),C(1;—1),D(2;0) hoc A(1;1),B(2,0),0(1;—1),D(0;0).

. Duw bi 1 - Pai hoc khdi A nim 2005

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC can tai dinh A c6 trong tim G [% ; %] ,

phuong trinh dudng thiang BC 1a x — 2y — 4 = 0 va phuong trinh duong thiang BG 1a
7x —4y — 8 = 0.Tim tga dg cac dinh A, B, C.

DS: A(0;3), B(O;fZ), 0(4;0).

. Dai hoc khoi A nim 2006

Trong mit phang véi hé toa dd Oxy, cho cdc dudng thang lan lugt c6 phwong trinh:
d:x+y+3=0,d,:x—y—4=0,d,:x—-2y= 0. Tim toa d6 diém M nam trén duong
thang ds sao cho khoang céch tur M dén duong thang d; bang hai lan khoang cach tir M dén
duong thang d,.

DS: M(—22;—11) v M(z;l).

. Du bi 2 - Pai hoc khdi A nim 2006

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 dinh A thudc duong thang
d:x —4y —2 =0, canh BC song song véi d. Phuong trinh duong cao (BH) x+y+3=0

va trung diém ctia canh AC 1a M(l; 1) . Tim toa do céc dinh A, B, C.

bS: A[—z;—z],B(—4;l),C[§;§].
33 33
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Bai 201. Duw bi 1 - Pai hoc khdi B nim 2006
Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC cén tai B, voi A (1; —1), B (3; 5) . Biém
B nam trén dudng thang d : 2x —y = 0. Viét phuong trinh cdc duong thang AB, BC.
BS: (AB):23x—y—24=0va (BC):le—13y+8:0.

Bii 202. Du bi 2 — Pai hoc khéi B nim 2006
Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 dinh A (2; 1) , duong cao qua dinh B

¢6 phuong trinh x — 3y — 7 = 0 va duong trung tuyén qua dinh C c¢6 phuong trinh
x +y +1 = 0. Xéc dinh toa d¢ cic dinh B va C ctia tam giac.

DS: B(—Q;—s), 0(4;—5).

Bai 203. Pai hoc khdi B nim 2007

Trong mit phang véi hé toa dd Oxy, cho diém A (2; 2) va cdc duong thang:
d:x+y—-2=0, d,:x+y—8=0.Tim toa dj cic diém B va C lan luot thudc d; va d;
sao cho tam gidc ABC vudng cén tai A.

BS: B(-1;3), C(3;5) v B(3;-1), C(53).

Bai 204. Duw bj 2 — Dai hoc khéi A nim 2007

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 trong tim G (—2; 0), phuong trinh
ciccanh AB:4x+y+14 =0, AC:2x+ 5y —2 = 0. Tim toa d0 cac dinh A, B, C.
BS: A(-4;2), B(-3-2), C(1;0).

Bai 205. Dur bi 1 — Pai hoc khéi D nim 2007

Trong mat phéng vdi hé toa do Oxy, cho diém A (2;1) . Trén truc Ox, léy diém B ¢6 hoanh do
Xy 2> 9, trén truc Oy, 13y di€ém C ¢6 tung d6 y, > 0 s’ao cho tam gidc ABC vudng tai A. Tim
cac diem B, C sao cho dién tich tam gidc ABC 16n nhat.

DS: B(o;o), 0(0;5) )

Bai 206. Du bi 2 — Pai hoc khoi A nim 2007

Trong mit phang véi hé toa dd Oxy, cho cic diém A (0; 1), B (2; —1) va cic dudng thing

d, :(m—l)x+(m—2)y+2—m:0, d, :(2—m)x+(m—1)y+3m—5:O.Chl'rng
minh d; va d, ludn cit nhau. Goi P 1a giao diém cta d; va dy. Tim m sao cho PA + PB 16n nhat.

BS: Chiiy: (PA + PB)2 < 2(PA2 + PB?) =2AB’ =16.Dod6 (PA+PB) =4 khiP

max

la trung diém cta cung AB. Khi d6 P(21) hay P(0;—1) = m =1V m =2.

Bii 207. Pai hoc khdi B nim 2008
Trong mit phang véi hé toa dd Oxy, hiy xdc dinh toa d6 dinh C cua tam gidc ABC biét rang

hinh chiéu vudng géc cta C trén dudng thang AB 1a diém H (—1; —1), duong phan gidc trong
g6c A c6 phuong trinh x — y + 2 = (0 va duong cao ké tr B c6 phuong trinh 4x +3y —1=10.

bS: C[—l—o;é].
3 4
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Bai 208.

Bai 209.

Bai 210.

Bai 213.

Pai hoc khoi A nim 2009 (Chuwong trinh co bin)

Trong mit phang véi hé toa dd Oxy, cho hinh chit nhat ABCD c6 diém 1(6;2) 1a giao diém ciia
hai dudng chéo AC va BD. Diém M(l; 5) thuc duong thang AB va trung diém E ctia canh CD
thudc duong thang A : x + y — 5 = 0. Viet phuong trinh duong thang AB.

y—5=0

bS: AB: .
x—4y+19=0

Pai hoc khoi B nim 2009 (Chwong trinh ning cao)
Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC cn tai A ¢6 dinh A (—1; 4) va cac dinh
B, C thudc duong thflng A:x—y—4=0.Xac dinh toa do cac diém B va C, biét dién tich
tam gidc ABC bang 18.
bs: B[E;E],C[E;—ﬁ] vV B|—; 1—1;§]-

2°2 22 22 2°2
Pai hoc khoi D nim 2009 (Chwong trinh co bén)

§._§]

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 M (2; 0) 1a trung diém cua canh AB.
DPuong trung tuyén va dudng cao qua dinh A 1an lugt c6 phuong trinh 1a 7x — 2y — 3 = 0,
6x —y — 4 = 0. Viét phuong trinh duong thang AC.

BS: (AC):3x—4y+5=0.

. Dai hoc khéi A nim 2010 (Chwong trinh ning cao)

Trong mit phang toa d6 Oxy, cho tam gidc ABC cén tai A c6 dinh A (6; 6) . duong thang di qua
trung diém ctia cdc canh AB va AC c6 phuong trinh x +y — 4 = 0. Tim toa d6 cdc dinh B va

C, biét diém E (1; —3) nam trén dudng cao di qua dinh C cua tam gidc di cho.

DS: B(o;—4),c(—4;0)vB(—6;2),C(2;—6).

. Pai hoc khéi B nam 2010 (Chwong trinh co ban)

Trong mit phang toa d6 Oxy, cho tam gidc ABC vudng tai A, ¢6 dinh C (—4; 1), phén giac
trong géc A c6 phuong trinh x 4+ y — 5 = 0. Viét phuong trinh duong thang BC, biét dién tich
tam giac ABC bang 24 va dinh A c¢6 hoanh d6 duong.

bS: BC:3x—-4y+16=0.

Pai hoc khoi D nim 2010 (Chwong trinh ning cao)

Trong mit phang toa d6 Oxy, cho diém A (0;2) va A 1a dudng thang di qua O. Goi H 1a hinh

chiéu vudng goc cua A trén A. Viét phuong trinh dudng thang A, biét khoang céch tir H dén
truc hoanh bang AH.

BS: A, (V5 -1)x 20V 2 = 0.

. Pai hoc khéi B nam 2011 (Chwong trinh co ban)

Trong mit phang toa 46 Oxy, cho hai duong thing A :x —y—4=0vad:2x—y—2=0.
Tim toa d6 diém N thudc duong thang d sao cho duong thang ON cit duong thang A tai diém
M thoa man OM.ON = 8.

Page - 130 - "All the flower of tomorrow are in the seeks of today......




Pé cuong hoc tap mdén Todn 10 — Tap II Ths. L& Van Poan
6.2
5'5)

Bii 215. Pai hoc khoi D nim 2011 (Chwong trinh co bin)

bs: N(o;—z) vV N

Trong mit phang toa dd Oxy, cho tam gidc ABC c6 dinh B (—4; 1), trong taim G (1; 1) va

duong thing chtra phan gidc trong ciia géc A ¢6 phuong trinh x —y — 1 = 0. Tim toa d6 cic
dinh A va C.

BS: A(4;3), C(3;-1).
Bii 216. Pai hoc khoi A nim 2012 (Chwong trinh co bén)
Trong mit phang véi hé toa dd Oxy, cho hinh vuéng ABCD. Goi M Ia trung diém ctia canh

BC, N 1a diém trén canh CD sao cho CN = 2ND . Gia st M

%é] va duong thang AN c¢6
phuong trinh 2x —y — 3 = 0. Tim toa do diém A.
BS: A(L—1) vV A(45).
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Phan hinh hoc

a/ Dang 1.

b/ Dang 2.

¢/ Dang 3.

d/ Dang 4.

PAQ* Sk ¢
® Xac dinh tim va ban kinh dwong tron
— Néu phuong trinh duong tron c6 dang thi c6 tam la
va ban kinh bang R.
— Néu phuong trinh duong tron c6 dang thi tam I duoc xac
dinh va ban kinh
@ Luuy
— Néu 1a phuong trinh duong tron néu thoa man diéu
kién:

— Diéu kién duong thang tiép xic voi duong thang A 1a
@ Lap phuong trinh dwong tron

Pé lap phuong trinh dudng tron ta thuong can phai x4c dinh tim va ban kinh R cua

. Khi d6 phuong trinh duong tron la

e/ Dang 5. (C) di qua hai diém A, B va tiép xiic v6i duong thiang A

c6 tam va di qua diém

co tam va tiép xuc voi duong thang A

e Tam

e Ban kinh

e Tam .
e Ban kinh .

c6 duong kinh AB

e Tam I la trung diém AB.
e Ban kinh .
di qua hai diém A, B va c6 tam I ndm trén duong thang A
e Viét phuong trinh duong trung tryc d ciia doan AB. ﬁ/ﬁ
e Xaic dinh tAm . \l%/

e Ban kinh

e Viét phuong trinh duong trung truc d ctia doan AB

- i i ~.JIEd d
am I ciia (C} thoa man: ld(Lﬁ) _ A w

e Bankinh R =TA.
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f/ Dang 6. di qua diém A va tiép xiic véi duong thang A tai diém B B A
e Viét phuong trinh duong trung tryc d ciia doan AB.
e Viét phuong trinh duong thang A" di qua B va A, Al
e Xadc dinh tam . d
e Ban kinh
g/ Dang 7. di qua diém A va tiép xic voi hai dudng thiang A; va A, Al
e TamIcua thoa man:
¢ Ban kinh
Luuy
o Mubn bo ddu gia tri tuyét d6i trong  , ta xét ddu mién mat phang dinh béi A,
va A, hay xét dau khoang céach dai s tir A dén A; va A,.
o Néu A, // Ay, tatinh ,va  duogc thay thé béi
h/ Dang8. tiép xiic véi hai duong thang A;, A; va ¢6 tim nam trén duong thang d
e TamIcua thoa man: . A
e Bin kinh : A,
i/ Dang9. di qua ba diém khong thang hang A, B, C (dudng trdon ngoai gide)
Céach 1
¢ Phuong trinh cua c6 dang:
e Lan luot thay toa do cua A, B, C vao ta dugc h¢  phuong trinh an
¢ @Giai h¢ phuong trinh nay ta tim dugc phuong trinh ctia
Cach 2
e TamIcua thoa man:
e Ban kinh Ll
j/ Dang 10. noi tiép tam gidgc ABC . T
e Viét phuong trinh cta hai duong phan gidc trong ciia hai gée An_ (4B
e Xic dinh tim I 12 giao diém cua hai dudng phan gidc trén.
e Ban kinh
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® Tap hop céc thm dwong tron (quy tich tam I cua duong tron)

Dé tim tap hop céc tim I ciia dudng tron ta c6 thé lam theo cic budc sau

— Budc 1. Tim gi4 tri ctia m dé ton tai tam L.

— Budc 2. Tim toa do tam I. Gia su: I

— Budc 3. Khir m gitta x va y ta dugc phuong trinh

— Budc 4. Dua vao diéu kién ctia m & budc 1 dé gidi han mién cua x hoic vy.

— Budc 5. Phuong trinh tap hop diém 1a cling voi phan gidi han ¢ budc 4.

w Luuy: Dé tim tip hop diém 1a duong tron, ta cling thuc hién tuong tu nhu cac budc trén.

@ Vi tri twong d6i ciia dwong thing d va dwong tron (C)

Deé bién luédn s6 giao dieém cta dudng thang va duong tron
ta ¢ thé thuc hién nhu sau

@ Phuwong phip 1. So sanh khoang céch tir tim I dén  véi bdn kinh R.

— Xac dinh tam I va ban kinh R cua

— Tinh khoang c4ch tir I dén PN A
+ cit tai hai diém phan biét.
+ tiép xic véi &
+ va khong c6 diém chung.
& Phwong phap 2. Toa d¢ giao diém (néu cé) cia  va 12 nghiém ctia h¢ phuong trinh:
A
+ Hé ¢6 2 nghiém cat tai hai diém phan biét.
+ H¢ c6 1 nghiém tiép xidc voi !
+ H¢ vO nghiém va khong ¢ diém chung.
® Vi tri twong ddi ciia hai dwong tron va =
D¢ bién luan sb giao diém cia hai dudng tron va

, ta ¢6 thé thyuc hién theo hai phuong phap

@ Phwong phap 1. So sdnh do dai doan ndi tim 1,1, v6i cdc béan kinh Ry, R,.

— cat tai hai di€ém.

, =R, +R, & (Cl) tiép xtic ngoai voi (Cz)
— LI, =|R, -R,

= {C'l) tiép xtic trong voi ((‘Z)

,>R +R, & (CJ va (Cz) 0 ngoai nhau.
, < |Rl — R?‘ & (C?l) va (C)) ¢ trong nhau.
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@ Phuong phip 2. Phuong phap dai s6: Toa do cac giao diém (néu co) cua va la

nghiém cua hé phuong trinh

— Hé 6 hai nghiém & cit tai 2 diém.
— H¢ c6 mdt nghiém < tiép xuc véi
— H¢ v6 nghiém < va khong c6 diém chung.

® Tiép tuyén ciia dwong tron

— Cho dudong tron  ¢6 tAm I, ban kinh R va duong thang A.
— A tiép xic véi
a/ Dang 1. Tiép tuyén tai mot diém

— Phuong phap 1. Tiép tuyén  diqua vaco VIPT
— Phuong phédp 2. Phan doi toa do:

Phuong trinh tiép tuyén c6 dang :

b/ Dang 2. Tiép tuyén cé phwong cho truwéc.
— Budc 1. Viét phuong trinh ctia A ¢6 phuong cho trude :
— Budc 2. Duya vao diéu kién tiép xuc dé tim thanh ph?m con lai.

Tur d6 suy ra phuong trinh cia A.

w» Lwuy: Cac dang phuong cho trude thuong gip 1a
e Tiép tuyén Tiép tuyén
e Tiép tuyén Tiép tuyén
o Tiép tuyén c6 hé sd goc bangk  Tiép tuyén
e Tiép tuyén tao voi duong thang mat goc a. Khi d6 ta linh hoat st
dung mdt trong hai cong thirc hodc
¢/ Dang 3. Tiép tuyén vé tir mot diém 6 ngoai dwong tron

— Viét phuong trinh ctia A di qua A (chtra 2 tham s6).
— Dua vao diéu kién: ta tim dugc cdc tham s6. TUr d6 suy ra phuong trinh ctia A.

d/ Dang 4. Lap phuwong trinh tiép tuyén chung ciia hai dwong tron (Cl) va (C‘;_, ) .

— Budc 1. Giasutibptuyénla A: Ax+By+C=0 véi A> +B* > 0.

N . d(I;A) =R,
— Budc 2. Theo dicu kién tiep xuc cua A véi <C1) va (CQ>: d(I 'A} _R-
=) T
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— Budc 3. Két luan vé tiép tuyén chung ciia A.
e/ Ho tiép tuyén ciia dwong tron

| 2 2 .
— Cho duong tron {C) c6 phuong trinh : {C\, : (x — q} + {y — b} = R%.
— Tiép tuyén véi ( C) tai M (Xo;yﬂ } € {C) c6 dang :

% 7

(X—&)(XO —a)+(y—b)(y0 —b):RQ‘ @)(X—zm).x“R —I—(X—b)“}TzR .
N f};ﬂ_a‘iz I'},-Q_b‘lg i
— Vi Bf[(»X“;yO)E(.C)él‘ ) J +l = J = 1. Do d6 co thé dat :

X —a
[5)

=sint

,te [0;21?).

— Khi d6, moi tiép tuyén A cua (C) c6 dang : (A) : (x — a) sint + (y — t-) cost=R.

— Ta goi cac tiép tuyén A véi tham s t 14 ho tiép tuyén cia ( C) . Toa d6 tiép diém
p x=a+Rsint
cua (C] voi A la .
(, ) vy =b+ Rcost

BAI TAP AP DUNG

XAC PINH TAM VA BAN KiNH PUONG TRON

Bai 217. Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh duong tron. Tim tdm va ban
kinh cta duong tron d6

1/ X +y —2x—2y-2=0. 2/ X4y —6x+4y—-12=0.

3/ X’ +y +2x-8y+1=0. 4/ x> +y —6x+5=0.

5/ 16x° +16y” +16x — 8y = 11. 6/ X’ +7y' —4x+6y—1=0.
7/ 2x* 42y —4x+12y +11=0. 8/ 4x° +4y’ +4x -5y +10=0.

Bai 218, Tim m dé cc phuong trinh sau 1a phuong trinh dudng tron

1/ x*+y’ +4mx —2my +2m+3 = 0.

2/ x*+y" —2(m+1)x+2my + 3m* —2=0.

3/ X2+y2—2(m—3)x+4my—m2+5m+4:0.

4/ X2+y2—2mx—2<m2—1)y—|—m4—2m4—2m2—4m+1:0.
5/ %" +y —6x+2ylnm+3lnm+7=0 (o).

6/ x"+y —2x+4y +In(m—2)+4=0 (o).
).

7 x4y =27 x 4 2"y 4 6e™ —4=10 (o
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8/ x’+ 7y’ —2xcosm + 4y + cos’m —2sinm +5=0 (O)

9/ x* +y’ —4xcosm +2ysinm —4 =0 (O).

LAP PHUONG TRINH PUONG TRON

. Viét phuong trinh dudng tron c6 tam I va di qua diém A, véi

1/ 1(2; 4), A(—l; 3). 2/ I(—3; 2), A(1;—1).

3/ 1(-1; 0), A(3;-11). 4/ 1(1;2), A(5 2).

5/ 1(3; 5), A(?; 2). 6/ 1(0;0), A(4;4).
. Viét phuong trinh dudng tron ¢ tam I va tiép xiic voi duong thang A, véi

1/ 1(3;4), A:dx—3y+15=0. 2/ 1(2;3), A:b5x—12y —7=0.

3/ 1(-3;2), A=Ox. 4/ 1(-3-5), A=Oy.

5/ 1(-12), A:x—2y+7=0. 6/ 1(0;0), A:y—2x=0.
. Viét phuong trinh dudng tron ¢6 dudng kinh AB, véi

1/ A(-2; 3), B(6; 5). 2/ A(0; 1), C(5; 1).

3/ A(—3; 4), B(?; 2). 4/ A(5; 2), B(3; 6).

5/ A(1; 1), B(7; 5). 6/ A(l; 5), B(—l; 1).

. Viét phuong trinh duong tron di qua hai diém A, B va c6 tim I ndm trén dudng thing A, véi

1/ A(z;s),B(—1;1),A:x—3y—11:o. 2/ A(0;4),B(2;6),A:x—2y+5:0.
3/ A(2;2),B(8;6),A:5x—3y+620. 4/ A(-10), B(1;2), Aix—y-1=0.

5/ A(-12), B(3;0), A:7Tx+y-6=0. 6 A[0;0), B(1;2), A:x—y=0.

. Viét phuong trinh duong tron di qua hai diém A, B va tiép xtic véi duong thang A, véi

1/ A(1;2), B(3;4), A:3x+y—3=0. 2/ A(6;3), B(3;2), Aix+2y—2=0.

3/ A(-1-2), B(21), A:2x—y+2=0. 4 A(20), B(42), A=0y.

. Viét phuong trinh dudng tron di qua diém A va tiép xic v6i duong thang A tai diém B, voéi

1/ A(—2;6)7A:3x—4y:15,B(l;—3). 2/ A(—2;1)7A:3x—2y:6,B(4;3).

3/ A(6;-2), A= Ox, B(6;0). 4 A(%4-3), A:x+2y —3=0,B(30).
. Viét phuong trinh duong tron di qua diém A va tiép xidc v6i hai duong thang A; va A, véi

1/ A(23), A 3x —4y +1=0, A, dx+3y —7=0.

2/ A(1;3), A ix+2y+2=0, A :2x—y+9=0.

3/ AEO(O;O), Ax+y—-4=0, A ix+y+4=0.
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Bai 228.

4/ A(3;-6), A, = Ox, A, = Oy,
. Viﬂét phuong trinh dudng tron tiép xidc voi hai dudng thang A;, A va c6 tim nam trén duong
thang d, voi
1/ A :3x+2y+3=0, A, :2x -3y +15 =0, d:x—y=0.
2/ A x+y+4=0, A Tx—y+4=0, d:4x+3y—2=0.
3/ A :4x—3y—16 =0, A, :3x+4y +3=0, d:2x—y+3=0.
4 A 4x+y—-2=0, A, i x+4y +17 =0, d:x—y+5=0.
. Viét phuong trinh dudng tron ngoai tiép tam gidac ABC, voi
1 A2 o), B(O;fS), C(5:-3). 2/ A(5; 3), B(6; 2), 0(3;71).
3/ A(L2), B(3; 1), C(-3;-1). 4 A(-1;-7), B(-4-3), C=0(0; 0).
5 AB:x—y+2=0, BC:2x+3y—-1=0, CA:dx+y—-17=0.
6/ AB:x+4+2y—5=0, BC:2x+y—-T7=0, CA:x—y+1=0.

Viét phuong trinh dudng tron noi tiép tam gidc ABC, voi

1/ A(2 6), B(-3-4), C(5; 0). 2/ A(20), B(0;-3), C(5-3).
3/ AB:2x—-3y+21=0, BC:3x—2y—-6=0, CA:2x+3y+9=0.

4/ AB:7x—y+11=0, BC:x+y—15 CA:7x+17y+65=0.

. Lap phuong trinh duong tron (C) trong céc truong hop sau

1/ (C) di qua ba diém: O(O;O), M(1;2), N(—2;4).
2/ (C) di quabadiém: A(1;2), B(52), C(1;-3).
3/ (C) di qua ba diém: A(
4/ (C) di qua ba diém: A(
5/ (C) di qua ba diém: A(
6/ (C) di qua ba diém: A(—2;4), B(5;5), C(G;—Q)-
7/ (C
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Bai 231.

Bai 232.

16/ (C) tiép xidc voi duong thang d :x—2y+3=0 tai M(l; 2) va c6 tdm thudc dudong
thang d, : x — 5y —5=0.
17/ (c) tiép xic v6i duong thing d, : 3x — 4y — 31 = 0 tai diém M (1;—7) va c6 bén kinh

18/ ( ) t1ep xtic véi duong tron (C') cx? 4+ y® —2x = 0 tai diém A(2' 0) vaR =5.

19/ ( ) qua A(5 3) va tiép xic voi duong thang d: x + 3y +2 = 0 tai M(l 1).

20/( ) qua céc giao diém cua (C )'X +y*—=9=0va (CQ):X +y* —2x —2y =14 va
6 tm nam trén duong thang d : x + 6y —6 = 0.

dbi xtmg v6i dudng tron (C'): (x —1) +(y—2) =4 quad:x—y—-1=0.
/(€) (©):(x=1) +(y-2)

/_\

( ) 'xungvmduongtron(C') (x—2)2+(y—3)2:3quad:x+y—1:0.
() ixungvmduongtron(C'):x2+y2—2x—4y+3:0quad:x—2:O.

TAP HOP PIEM (Qui tich tim dwong tron)

. Tim tap hop cdc tam I cua duong tron (C) ¢6 phuong trinh (m va t 1a tham so)

1/ ¥ +y*—2(m—1)x—4my + 3m + 11 =0.

2/ %" 4y —2mx —4(m + 1)y +3m +14 = 0.

3/ x4y —2mx —2m’y +2=0.

4 x*+y +mx—m(m+2)y—2m’—4=0.

5/ x" +y" —2(cos2t +4)x — 2ysin2t + 6cos2t —3 =0 (o).
6/ x*+y’ —dxsint+4(cos2t —sint)y —2cos’t =0 (o].
7/ X2+y2—2(2—et)x+4<e2t‘—1)y—et—3:0 (9)-

8

~

(¢ +1)(x* +3°) + 8(8 —1)x = 4(¢* + 4t +1)y =3 =3 =0 (o],
Tim tap hop cic tdm I cia duong tron (C) , biét

1/ (C) tip xtic véi duong thang d : 6x — 8y + 15 = 0 va c6 ban kinh R = 3.

2/ (C) tiép xtic v6i hai dwong thing d, :x +2y =3 =0, d,:x+2y+6=0.

3/ (C) tiép xtc voi hai dwong thing d, :2x + 3y —6 =0, d,:3x 2y +9=0.

4/ (C) tiép xtic voi duomg tron (C'): x* +y” — 4x + 6y — 3 = 0 va c6 bdn kinh R = 2.
5/ (C) di qua diém A(2; 3) va tiép xic voi duong thang d:y —5=0.

Cho (Cm):x2 +y? —2mx—4(m—2)y+6—m =0.
1/ Tim diéu kién cua m dé (Cm) 1a dudng tron.

2/ Tim tap hop tdm cia ho duong tron (Cm) khi m thay doi.
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Bai 233.

Bai 240.

Cho (Cm):x2 +y? +(m+2)x—(m+4)y+1: 0.
1/ Chimg minh (C_ ) 1a ho dudng tron.

m

m

2/ Chiumg minh ring trong cdc dudng tron ctia (C ) c6 mot duong tron qua gbce toa do. Tim

phuong trinh dudng tron do6.

. Cho (Cm):x2 +y? —2(m+1)x+4my+17:0.

1/ Tim diéu kign m dé (C, ) 1a dudng tron.

m

2/ Vi gid tri nao cua m thi duong tron (C ) tiép xiic véi duong thang d:x +y —1=0.

m

m

3/ Tim tap hop tam cta ho (C, ) khi m thay di.

. Cho (Cm):x2+y2—4mx—2(m+1)y—120.

1/ Tim diéu kién m dé (C ) la duong tron.

m

2/ Tim diém c6 dinh cta ho (C ) khi m thay doi.

m

3/ Tim tap hop tam cta ho (C, ) khi m thay doi.

m

. Cho (Cm):x2+y2+<m+3)x—(m+2)y+m—13:0.

1/ Chimg minh (C_ ) 1a ho dudng tron.

m

m

2/ Chimg minh rang khi m thay ddi thi (C ) 1udn di qua hai diém c6 dinh.

. Cho (C,):x" +y* +(m+2)x—(m+4)y + m+1=0.

1/ Pinh m @ (C, ) Ta duong tron c6 bén kinh nho nhdt.

m

2/ Tim tp hop tam ciia ho dwong tron (C, ).

m

3/ Chung minh rang khi m thay dbi thi (C ) 1udn di qua hai diém c6 dinh.

m

. Cho (C,):x* +y" —2mx —4(2m — 1)y +5=0.

1/ Tim diéu kién ciia m dé (C ) la duong tron.

m

2/ Tim m dé duong tron (Cm) cit truc hoanh tai hai diém A, B sao cho AB = 4.

. Cho (Cm):x2+y2—2mx+2my+m2—2m—|—3:0.

1/ Pinhm @ (C,, ) 1a duong tron. Khi d6 tim toa d¢ tam va ban kinh.

m

2/ Pinh m dé (Cm) tiép xuc voi hai truc toa do.

3/ Pinh m dé (Cm) cit truc Ox tai hai diém A, B sao cho AB = 2.
Cho hai diém A (2;-4), B(~6; 2). Tim tap hop cdc diém M (x;y) sao cho

1/ AM? + BM* = 100. 2/ MA = 3MB.
3/ AM’ +BM’ =K, (k>0). 4/ 2MA’ — 3MB? = OM®.

. Cho hai diém A(2; 3), B (—2; 1). Tim tap hop céc diém M(X; y) sao cho

1/ AMBM =0. 2/ AMBM = 4.

. Tim tap hop cic diém M sao cho tong binh phuong céc khoang céch tir d6 dén hai duong thang

dvad’ bangk, véi
d:x—y+3=0, d:x+y=1=0, k=9.
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Bai 243.

Bai 244.

Cho bén diém A (44), B(~6;4), C(-6;-2), D(4;-2).

1/ Chung t6 ring ABCD 12 hinh chit nhat.

2/ Tim tap hop cdc diém M sao cho tong binh phuwong cic khoang cich tir M dén cdc canh cua
hinh chit nhat bang 100 .

VI TRI TUONG POI CUA PUONG THANG VA PUONG TRON

Xét vi tri twong dbi cuia dudng thang d va dudng tron (C) trong cac truong hop

1/ dix+y—-2=0 & (C)ix+y —2x+6y—6=0.
x=1t ) )
2/ d: 5 ot & (C):ix*+y —4x 42y —20=0.

. Cho duong tron (C):X2+y2—4x+6y+3:0 va duong thing A : 3x —y +m = 0. Tim

cdc gid tri cia m dé

1/ Pudng thang A tiép xiic v6i dudng tron (C) .

2/ Duong thang A cat duong tron (C) .

3/ Duong thang A va duong tron (C) khong c6 diém chung.

. Bién luan theo m s6 giao diém cua duong thing d va duong tron (C), véi

1/ d:mx—y—-—3m—-2=0 & (C):X2+y2—4x—2y:0.

2/ d:2x—y+m=0 & (C):X2+y2—6x+2y+5:0.

3/ d:ix+y—1=0 & (C):x*+y —2(2m+1)x—dy+4-m =0
4/ d:mx+y—4m =0 & (C):x2+y2—2x—4y—4:0.

5 d:x—my+2m+3=0 & (C):x"+y +x-2y-2=0.

6/ d:mx—y+2=0 & (C):X2+y2+2x—4y+4:0.

7 d:mx—y+7—4m =0 & (C):X2+y2+2x—4y:

8/ mx—y+3m—-1=0 & (C):X2+y2—4x—3y:

. Cho dudng tron (C) :x? +y* —2x — 2y 4+ 1 = 0 va duong thang d di qua diém A(—l; 0) va

¢6 hé s géc k
1/ Viét phuwong trinh duong thang d.

2/ Bién luan theo k vi tri tuong ddi cua d va (C) .

3/ Suy ra phuong trinh cdc tiép tuyén ciia (C) xuét phat tir A.

. Cho dudng thang d va dudng tron (C)

a/ Chimg to d cat (C) . b/ Tim toa d¢ cic giao diém ctia d va (C) .

1/ ddiqua M(—1;5) va 6 hé sb goc k:—%, (C):X2+y2—6x—4y+8:0.
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2/ d:3x—y—10=0, (C):X2+y2—4x—2y—20:0.

. Cho dudng tron (C) x4y’ —2x — 6y 46 =0 vadiém M (4;2). Viét phuong trinh duong

thang d qua M va cat dudng tron (C) tai hai diém A va B sao cho M Ia trung diém ciia AB.

. Cho duong tron (C):x2 +y® —4x 42y —1=0 vadudng thing d : y = x.

1/ Chimg minh ring d cét (C) tai hai diém phan bi¢t A va B.
2/ Tinh d6 dai doan AB.

. Viét phuong trinh duong thang qua A(Q; 3) va cat duong tron (C) : (x + 1)2 +y® =9 tai hai

diém M va N sao cho MN = 6.

2 2 D 7
. Cho duong tron (C) : (X — 1) + (y + 2) =4 vaduong thang A : 3x —4y +5 = 0. Viet

phuong trinh dudng thang d song song véi duong thang A va cat (C) tai hai diém A va B sao
cho AB c¢6 d6 dai 16n nhat.

. Cho dudng tron (C) :x? +y° —4x — 6y + 5 = 0. Viét phuong trinh dudng thang d di qua

diém A (3;2) va cit duong tron (C) theo mét day cung c6 do dai
1/ Lon nhat. 2/ Nhoé nhét.

2 2 5
. Cho duong tron (C): (x +1) + (v +2) =2 va dudng thang d : 3x — 2y — 1 =0.

1/ Xdc dinh vi trf tuong déi cita d va (C).

2/ Tim trén duong thing d diém M (Xo; yo) sao cho (xi + yi) dat gia tri nho nhét.

. Tim trén duong tron (C) :x? 4+ y? —2x + 2y — 23 = 0 diém M c6 khoang cich dén duong

thing A :3x —4y +23 =0
1/ Nhé nht. 2/ Lén nhat.

. Cho duong tron (Cm) :x? 4+ y2 —2mx +2y +m + 7 = 0 ¢6 tim la . Xdc dinh m dé duong

thing d: x +y+1=0 cat (C, ) tai hai diém phan bi¢t A va B sao cho AIAB déu.

. Cho (Cm) cx? 4 y? +(m—|—2)x—(m—|—4)y+m+1 = 0. Chiing minh rang (Cm) luén di

qua hai diém c6 dinh. Suy ra gia tri cia m dé (Cm) 1a dudng tron ¢ ban kinh nho nhét.

2 2 5
. Cho duong tron (C):(X—Q) —|—<y—3) =2 vaduong thang A :x —y —2 = 0. Tim toa do

diém M trén (C) sao cho khoang céch tir M dén A dat gid tri 16n nhat, nhé nhat.

VI TRI TUONG POI CUA HAI PUONG TRON

. Xét vi tri tuong ddi cua hai dudng tron (01) va (CQ>, tim toa dg giao diém (néu c6) vai

1 (C):x"+y +6x—10y+24=0 (C,):x* +y" —6x —4y —12=0.

2/ (C):x" +y —4x—6y+4=0 (C,): x* + ¥ = 10x — 14y + 70 = 0.

3/ (C,):x* +y* —6x — 3y = (C,) c6tam I, [5;2] va ban kinh R, = %
4/ (C1)2X2+y2+2X—4y—5:O (C2)2X2+y2—x—5y—|—4:().
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Bai 260.

Bai 265.

. Cho AABC ¢6 A(1;0), B(0;2) va duong tron (C) Hx - 1)2 + {y - %

Bi¢n luan so giao di€m cua hai duong tron (Cl) va (CQ) , vOi

y (Cl):X2+y2—6X—2my+m2+4:0
(CQ):XQ—i—yQ—2mx—2(m—|—1)y+m2—|—4:O'

5/ (Cl):x2+y2—|—4mx—2my+2m+320
(C,):x" + ¥ +4(m+1)x —2my + 6m —1=0’

. Cho hai duong tron (Cl):x2+y2—7x—7:0 va (Cz):xz—i—yz—x—?y—lS:O.

1/ Chimg t6 (C,) va (C,) céit nhau tai hai diém A va B.
2/ Viét phuong trinh duong thang di qua hai diém A va B.

. Cho hai duong tron (Cl):x2+y2—120 va (C ):X2+y2—2(m—|—1)x+4my—520.

m

Tim m dé (Cl) va (Cm) tiép xdc véi nhau.

. Cho ho duong tron (C, ) : x” +y* — 2mx + 4my + 5m’ —1 = 0.

1/ Timm & (C,) cét dudng tron (C,): x* +y* =1 tai hai diém phan bi¢t A va B.
2/ Tim m dé (Cm) va (CQ) :x? 4+ y? —2x 4+ 4y +1 = 0 tiép xiic trong v6i nhau.

. Cho hai dudng tron (C,): (x +2) +(y —2) =2 va (C,): (x = 3] +(y—2) =1.

1/ Chtng minh ring (01) va (C
2/ Cho M(1;2). Hay tim hai diém A € (C,), B € (C,) sao cho M la trung diém cta AB.
Cho hai diém A (8; 0), B(0; 6).

2) nam ngoai nhau.

1/  Viét phuong trinh duong tron ndi tiép tam gidc OAB.

2/ Goi M, N, P lan luot 12 trung diém ciia OA, AB, OB. Viét phuong trinh dudng tron ngoai
tiép tam giac MNP.

3/ Ching minh rang hai dudng tron trén tiép xidc nhau. Tim toa do tiép diém.

. Cho duong tron (C) :x* +y* = 1. Pudng tron (C') c6 tam 1(2; 2) cat (C) tai hai diém A, B

sao cho AB = \/5 . Hay viét phuong trinh dudng thiang AB.
2

= 1. Viét phuong

trinh dudng thing di qua céc giao diém cua dudng tron (C) va dudng tron ngoai tiép AABO.

TIEP TUYEN CUA PUONG TRON

. Viét phuong trinh tiép tuyén ciia duong tron (C) tai diém M € (C)

1/ (C):x*+y" =25 & M (3;4).
2/ (C):x* +y* =50 & M (5;—5)
3/ (C):(x—3) +(y+4) =169 & M(8;~16).
4/ (C):X2+y2+4x—9:0 & M(12).
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5/ (C):X2+y2+4x—|—4y+3:0

6/ (C):x2+y2—2x—8y—8:0

BAi 269, Cho duomg tron (C): x* +y” — dx — 2y = 0.

1/ Lap phuong trinh tiép tuyén cua (C) tai A c6 hoanh dola 0.

2/ Lap phuong trinh tiép tuyén cua (C) cac giao diém ctia né véi truc tung Oy .

3/ Lap phuong trinh tiép tuyén cta (C) tai giao diém ctia (C) va duong thaing d: x +y = 0.

BAi 270, Cho dudng tron (C):x* +y* — 8x — 6y +17 = 0.
1/ Chungté M (6; 5) nam trén dudng tron (C) . Viét phuong trinh tiép tuyén d ctia (C) qua M
2/ Ching to N (0; —1) nam ngoai dudng tron (C) . Viét phuong trinh tiép tuyén d' cua (C)
qua diém N.
Bai 271. Viét phuong trinh tiép tuyén (C) ké tir mot diém cho trudc
1 (C):x"+y —4x+2y+2=0 &
2/ (C):X2+y2+4x—4y—1:() &
3/ (C):x’+y’ +2x—4y +4=0 &
4 (C):x +y —2x—8y—8= &
5/ (C):x" +y° +2x 8y +13=0 &
6/ (C):X2+y2—6x—4y+8:0 &
71 (C): (x—3) +(y—1) =5. &
BAi 272, Cho dudng tron (C): (x —2) +(y —1) = 25.
1/ Tim toa o tam va bén kinh ciia dudng tron (C).
2/ Viét phuong trinh tiép tuyén ctia (C) tai diém M (5; 3) .
3/ Lap phuong trinh tiép tuyén cua (C) song song véi dudng thing d, :5x—12y +2=0.
4/ Lap phuong trinh tiép tuyén ctia (C) vudng géc voi duong thang d,:3x+4y—-7=0.
5/ Lap phuong trinh tiép tuyén cta (C) biét tiép tuyén di qua diém A (3; 6) .
BAi 273, Cho duomg tron (C):x* +y* —6x + 2y +5 =10,

1/ Tim toa d9 tm va bén kinh ciia dudng tron (C).

2/ Lap phuong trinh tiép tuyén cua (C) song song véi dudng thang d 4x+2y—-1=0.

3/ Lap phuong trinh tiép tuyén cua (C) vudng géc véi duong thang d,:2x—y+7=0.

Bai 274. Cho duong tron (C), diém A va duong thang d.

a/ Chimg to diém A ¢ ngoai (C).

b/ Viét phuong trinh tiép tuyén cta (C) ké tur A.
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Bai 280.

¢/ Viét phuong trinh tiép tuyén cua (C) vudng géc véi d.
d/ Viét phuong trinh tiép tuyén cta (C) song song voi d.
1/ (C):x’+y —4x—6y—12=0  A(-7;7)  d:3x+4y-6=0.

2/ (C):x2+y2+4x—8y+10:0 A(z;z) d:x+2y—6=0.

. Cho duong tron (C) va dudng thang d.

a/ Viét phuong trinh cic tiép tuyén ctia (C) tai cdc giao diém ciia (C) véi cdc tryuc toa do.
b/ Viét phuong trinh tiép tuyén ctia (C) vudng goéc voi d.

¢/ Viét phuong trinh tiép tuyén cua (C) song song vadi d.

1/ (C):x*+y" —6x—2y+5=0 & d:2x—y+3=0.
2/ (C):x’ +y —4x—6y =0 & d:2x -3y +1=0.
3/ (C):x*+y* —2x—6y +9=0 & d:3x—4y+12=0.

. Cho duong tron (C) . Hay lap phuong trinh tiép tuyén véi (C), biét tiép tuyén tao v6i duong

thing d mot géc o trong céc truong hop sau:
2 2
1/ (C): (x=1) +(y+1)] =10 a=45" & d:2x+y—4=0.

2/ (C):x2+y2+4x—8y+10:0 a=60" & d:2x—3y+1=0.

. Chohaidubngtr(‘)n((]):x2+y2:9 va CQ) X 4+y" —2x—-3=0.
)

1/ Tim tAm va ban kinh ctia duong tron (
2/ Xétvi rf wong dbi cia (C, ) va (C,).
3/ Viét phuong trinh tiép tuyén chung ctia (Cl) va (CQ) .

. Cho hai dudng tron (Cl):x2+y2—2x—2y—2:0 va (C2)2x2+y2—8x—4y+16:0.

1/ Tim tam va ban kinh cua duong tron (Cl) va (CQ) .
2/ Xétvi rf wong dbi cia (C, ) va (C,).
3/ Viét phuong trinh tiép tuyén chung ctia (Cl) va (CQ) .

. Cho hai dudng tron (Cl):x2+y2—2x—2y—2:0 va (C2)2x2+y2—8x—4y+16:0.

1/ Tim tAm va ban kinh cta duong tron (Cl) va (CZ) .
2/ Xét vi tri twong ddi cia (C, ) va (C,).

3/ Viét phuong trinh tiép tuyén chung cua (Cl) va (C
Cho hai duong tron (Cl) X' +y —10x =0 va (CQ) :
1/ Tim tAm va ban kinh cta duong tron (Cl) va (C )
2/ Xét vi tri twong ddi cia (C, ) va (C,).

3/ Viét phuong trinh tiép tuyén chung ctia (Cl) va (CQ) .
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Bai 281.

Bai 286.

Cho hai dudng tron (C,): x* +y* —4x =5 =0 va (C,): x" +y* — 6x + 8y + 16 = 0.
1/ Tim tAm va ban kinh ctia duong tron <C1) va (CZ) .
2/ Xétvi trf twong ddi cia (C, ) va (C,).

1

3/ Viét phuong trinh tiép tuyén chung cua (C

1/ (C):x2+y2:1 (CZ):( -

2/ (C):(x—1) +(y—1) =1 & (Q)i(x—2f +(y+1) =4

3/ (C,): (x—1) +(y+3) =25 & (C,):(x+1) +(y-3) =

4 (C):x"+y —dx—2y+4=0 & (C,): x*+y" +4x+2y —4=0
5/ (C):x"+y —2x+4y—4=0 & (C,): "+ +4x — 4y — 56 =
6/ (C):x" +y" —10x =0 & (C,):x*+y +4x—2y-2=0
7 (C): " +y —10x+24y =56 =0 & (C,):x* +y" —2x -4y -20=0
8/ (C,):x" +y’ +2x—6y+6=0 & (C,):x*+y" —dx+2y —4=0
9 (C):x" +y" —8x—4y —29=0 & (C,):x* +¥* —2x—12y + 33 =0
10/ (C)):x* +y* —2x -3 = & (C,):x* +y* —8x— 8y +28 =0.
11/ (C): %" +y° —2x —2y —2=0 & (C,):x* +y” —6x— 4y +19 =0.
12/ (C)):x" +y* —6x+5=0 & (C,):x* +y* —12x — 6y + 44 = 0.

, Cho hai diém A(l; 2), B(3; 4) va duong thang d: 3x +y +3=0.

1/ Viét phuong trinh cdc dudng tron <C1) va (CQ) qua A, B va tiép xic véi d.

2/ Viét phuong trinh tiép tuyén chung (khic d) ctia hai dudng tron dé.

. Cho duong tron (C) :x” +y? —6x —4y +4 = 0 vadiém A(8;—1).

1/ Viét phuong trinh tiép tuyén ctia (C) ké tur A.

2/ Goi M va N 1a cic tiép diém cua céc tiép tuyén ké tir A ciia (C) . Viét phuong trinh dudng
thang MN va tinh d6 dai doan thang MN.

. Cho duong tron (C) x4+ y' +2x —4y + 4 =0 vadiém A(3;5).

1/ Viét phuong trinh tiép tuyén ctia (C) ke tur A.

2/ Goi E va F 1a céc tiép diém cua céc tiép tuyén ké tir A cua (C) . Viét phuong trinh duong
thang EF va tinh d¢ dai doan thang EF.

Cho dudng tron (C) : (x - 2)2 + (y . 4)2 — 4. Lap phuong trinh tiép tuyén ctia dudng tron

biét rang ti€p tuyeén:

1/ Tao véi hai truc toa d0 mot tam gidc vudng can.
2/ Tao vdi hai truc toa d6 mot tam giac c¢6 dién tich bang 4 .

. Cho duong tron (C):x2+y2—6x—2my+m2+4:0.

1/ Timm dé tir A(2; 3) c6 thé ké duoc hai tiép tuyén véi (C).
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2/ Viét phuong trinh cic tiép tuyén d6 khi m = 6.

Bai 288. Cho duong tron (C) :x? 4+ y° 4+ 2x —4y = 0 vaduong thing d : x —y + 1 = 0. Tim toa d¢

diém M thugc d ma tir d6 c6 thé ké dugc hai dudng thang tiép xic v6i duomg tron (C) tai A va

B sao cho AMB = 60".
Bai 289. Cho duong tron (c) : (x - 1)2 +(y+ 2)2 =9 vaduong thd : 3x —4y +m = 0. Tim m dé

trén d ¢6 duy nhat mot diém P ma tir d6 c6 thé ké duoc hai tiép tuyén PA, PB dén dudng tron
sao cho APAB déu.

Bai 290. Cho (C“) : (xz —|—y2)sin0< = 2(xcosu+ysin0<—coso<), Vo= k.

1/ Chimg minh réing (C, ) luén Ia dudng tron Vo . Dinh tam va ban kinh duong tron (C_ ).

(% (%

2/ Chiing minh ring (C&) 1udn c6 mot tiép tuyén cb dinh va xdc dinh tiép tuyén do.

BAi291. Cho hai dudng tron (C,):x" +y° —2x —dy —4=0va (C,): X’ +y° +6x—2y +1=0.
1/ Chirng minh (01) va (CQ) cat nhau tai hai diém A va B.

2/ Viét phuong trinh duong tron (C) qua A, B va diém C (3; —1) .
3/ Cho diém M(4;1). Chiing minh qua M c6 hai tiép tuyén dén (C). Goi E, F Ia hai tiép diém
clia hai tiép tuyén trén véi (C) . Hay lap phuong trinh duong tron (C ') ngoai tiép AMEF.

Bai 292. Lap phuong trinh dudng tron (C) ¢6 ban kinh nho nhét, tiép xic voi dudng thang

2 2
d:3x + 4y +20 = 0 vadudng tron (C'): (x —1) +(y+2) =1.
Bai 293. Tim trén dudng thang d : 3x + 4y + 20 = 0 nhitng diém ma tir 46 c6 thé ké dén duong tron

(C) : x* + y* =1 nhiing tiép tuyén c6 d6 dai nho nhat.

BAi294. Cho (C,):x" +y” —4x+2y ~4=0va (C,): x* +y* — 10x — 6y + 30 = 0 6 tam lan
Ivotlalval.
1/ Ching minh ring (Cl) va (CQ) tiép xtdc ngoai nhau. Tim toa d¢ tiép diém H.

2/ Goi d 1a tiép tuyén chung ctia (01) va (CQ) khong di qua H. Tim giao diém K ctia d va IJ.
3/ Viét phuong trinh duong tron (C') di qua K va tiép xiic véi (C, ) va (C, ) tai H.

XET VI TRI TUONG POI CUA PUONG THANG VA PUONG TRON DE GIAI
HE PHUONG TRINH - HE BAT PHUONG TRINH

mx+(m+1)y:2
X2—|—y2:4 '

Bai 295. Dinh m dé hé phuong trinh sau c6 nghiém {

Xx+my—m=0

2

Bii 296. Pinh m dé hé phuong trinh sau c6 gnhiém { 9 .
X +y —x=0

X2+y2+2x—4y—|—420

Bai 297. Dinh m dé hé phuong trinh sau c6 ding mot nghiém
mx—y+2=0
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Phan hinh hoc

X2+y2=2(1+m>

Bai 298. Dinh m dé hé phwong trinh sau ¢6 diing hai nghiém 9
(X + y) =4
. 4y’ =9
Bai 299. Cho hé phuong trinh .
(2m +1)x+my +m—1=0
Xic dinh tham s6 m dé hé phuong trinh ¢6 hai nghi¢m (x,;y, ), (x,;y,) sao cho biéu thirc
2 2 . . £
A= (Xl — X2) + (yl - y2) dat gia tri 16n nhat.
. 14y +1=1 S
Bai 300. Cho h¢ phuong trinh {' 5 . Binh m d€ hé c6 nghi¢m nhiéu nhat.
X"+y =m
Bai 301. Dinh m dé phuong trinh sau ¢6 nghiém: x + y + , l2x(y — 1) +m =2.
2 2
. x4y +4x+6y—-12<0
Bai 302. Cho hé bat phuong trinh Y Y .
Xx—y+m2>0
1/ Giai h¢ khi m = 1.
2/ Pinh m dé hé c6 nghi€ém duy nhat.
2 2
N: . 2 1A 14 N " . a e _) +(y_|—1 <
Bai 303. Dinh m dé h¢ bat phuong trinh sau ¢6 nghiém duy nhat ) )
x+1 (y — 1) <
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BAI TAP QUA CAC KI THI

Bii 304. Ciac Trwong Cao Pang nim 1984

Trong mit phang véi hé truc toa d6 vudng géc Oxy, cho hai diém A (a; 0) va B (O;a) .

(m 1 tham sd).

, 2

1/ Goi (C) Ta dudng tron tiép xtic véi Ox tai A va tam C c6 tung 46 Ia =
Viét phuong trinh dudng tron nay. Tim toa do giao diém P cua (C) va duong thing AB.

2/ Viét phuong trin dudng trdn (C') di qua P va tiép xiic v6i Oy tai B. Hai dudng tron (C) va

(C ') cit nhau tai P va Q. Viét phuong trinh duong thang PQ. Ching minh rang khi m thay

d6i, duong thang PQ ludn ludn di qua mot diém cb dinh.

mf;a]. m\/g +(y—a)2:[a—m72],

bS: 1/ Pla——— X—&-I—T
PQ: mﬁy—(?a—m\/g)y = 0 va PQ ludn di qua gdc toa do O khi m thay doi.

2

2 (C):

. Cao diang Su Pham Tp. Ho Chi Minh nim 1996

Trong mit phang toa dd Oxy, cho hai dudng tron: (C) X +y —1=0va

(Cm):x2 +y? —2(m+1)x+4my—5: 0.

1/ Tim quy tich tim (C, ) khi m thay déi.

2/ Ching minh rang: ¢6 hai duong tron (Cm) tiép xtdc voi (C) ung voi hai gid tri ciia m.

BS: 1/ Quy tich tam I(m + L;~2m) la d:2x +y—2=0. 2/ m=—1; ng.

. Cao dang Kinh Té P6i Ngoai Tp. H6 Chi Minh nim 1998

Trong mit phang toa d6 Oxy, cho ho (Cm) X"+ y +4mx —2my +2m +3 = 0.
1/ Xéc dinh m dé (Cm) l1a duong tron.

2/ Tim tap hgp tam cdc duong tron (Cm) .

. Cao dang Kinh Té P6i Ngoai nim 1999 — H¢ chwa phéan ban

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong cong

(Cm) :x? +y* —2x — 2y + m = 0 v6i m la tham sd.

1/ Vi didu kign no cia m thi (C_ ) Ia dudng tron ? Xdc dinh tim va bén kinh ctia (C, ) trong
truong hop nay.

2/ Pinh m dé (Cm) 1a dudng tron ¢ ban kinh bang 1. Goi duong tron nay 1a (C) . Viét phuong

trinh duong thing d tiép xdc v6i dudng tron (C) tai diém A |14+ —;1— —

3/ Viét phuong trinh tat ca cdc tiép tuyén voi duong tron (C) biét chiing vudng géc duong
thang d.
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BS: 1/ m<2 I(L1), R=v2-m. 2 m=1 d:x—y—-~2=0.

, Cao ding Sw Pham Ha Noi khoi A niim 2000

Trong mat phfmg toa d6 Oxy, cho ba diém A (2; 6), B (—3; —4), C (5; 0) .

1/ Viét phuong trinh duong tron ndi tiép AABC.
2/ Tim toa d6 diém D dbi ximg v6i B qua AC.

., Cao dang Nong Lam nim 2000

Trong mit phang toa d¢ Oxy, cho hai diém A (1; 0), B (2;1) va duong thang d ¢ phuong trinh
(d):2x—y+3:0.
1/° Tim phuong trinh dudng tron c6 tam tai A, tiép xiic voi duong thang d. Hay xét xem diém B
nam phia trong hay phia ngoai duong tron da tim ?
2/ Tim trén duong thang d diém M sao cho tong (MA + MB) 12 nho nhét so véi moi diém
con lai trén duong thang d. Viét toa do diém M ?
8 17

bS: 1/ (X — 1)2 +y® =5 va diém B nam trong dudng tron. 2/ M [— H,E]

, Cao ding Sw Pham K§ Thuit nim 2000

Trong mit phang toa 46 Oxy, cho phuong trinh dudng tron: (C) X 4y —6x—2y+8=0.

Hay viét phuong trinh tiép tuyén véi (C) c6 hé s6 géc k = —1.

. Cao dang Kinh Té P6i Ngoai nim 2000

Trong mit phang toa d6 Oxy, ho duong cong <Cm> X +y —2x—2y+m=0.

1/ Véi diéu kién nao cia m thi (€, ) a duwomg tron ? Xéc dinh tam va bén kinh cia (C, )
trong truong hop nay ?
2/ Binhm dé (C, ) 1a duong tron c6 ban kinh bang 1. Goi dudmg tron nay la (C) Viét phuong

trinh duong thing d tiép xdc v6i dudng tron (C) tai diém A |1+ —;1 — —

3/ Viét phuong trinh tat ca cdc tiép tuyén v6i duong tron <C) biét chling vudng géc v6i duong

thang d.

m <2 m=1
. ) ) dlzx—y—\E:O
BS: 1/ {Tam I(11) . 2/ {(C):x"+y” —2x—2y—1=0. 3/ .
d :X—y+\/§:O

R=+42-m TTd:X—y—\/g °

. Cao ding Y Té Nam Pinh niim 2000 (Hé¢ Cao ding Diéu Duwdng Chinh Qui)

Trong mit phang toa do Oxy:
1/ Viét phuong trinh dudng tron tim Q (—1;2), ban kinh R = \/E , 201 d6 1a duong tron (Q) .
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2/ Tim toa do giao diém cua dudng tron (Q) v6i duong thang A c6 phuong trinh
(A) :x — 5y —2 =0, goi cic giao diém d6 1a A, B. Tim toa d¢ diém C soa cho AABC 1a
tam gidc vudng va ndi tiép trong dudng tron (Q) .
Bs: 1/ (Q):(x+1) +(y—2) =13. 2 A(20),B(~3;~1). NéuBC: dudng kinh thi
C (1; 5) . Néu AC: dudng kinh thi C (—4;4) :

Bii 313. Cao ding Lao Pong — Xa Hpi nim 2000

Trong mat phéng toa do Oxy, cho AABC c6 A(3;—7), B(9;—5), C (—5;9) .

1/ Viét phuong trinh duong phén gidc géc 16n nhét ciia AABC.

2/ Viét phuong trinh tiép tuyén di qua diém M (—2; —7) dén duong tron ngoai tiép cia AABC.
Tim toa d¢ tiep diém ?

Bii 314. Cao ding Sw Pham Tp. Ho Chi Minh khéi A nim 2002

Trong mit phang toa o Oxy, cho duong tron (C) (x> +y’ =9 vadiém A(l; 2) . Hay lap
phwong trinh cta dudng thang chira diy cung cua (C) di qua A sao cho d¢ dai day cung d6
ngan nhat ?

Bai 315. Cao ding Sw Pham Ha Tinh khéi A, B nim 2002

Trong mit phang toa do Oxy cho dudng tron (C) :x” 4+y° —2x — 6y 46 =0 vadiém

M(2;4).

1/ Chiing t6 rang diém M nam trong dudng tron.

2/ Viét phuong trinh duong thang di qua diém M, cit duong tron tai hai diém A, B sao cho M
la trung diém ctia AB.

3/ Viét phuong trinh dudng tron ddi xtng véi duong tron da cho qua AB.

DS: 1/ Chimgminh IM <IR. 2 x+y-6=0. 2/ (x-3) +(y—5) =4.

Bii 316. Cao ding Tai Chinh Ké Toan IV nim 2003

Trong mit phang véi hé truc toa do Pécac vudng géc Oxy, cho duong tron

(C) : (X — 3)2 + (y — 1)2 = 4. Viét phuong trinh tiép tuyén voi (C) , biét rang tiép tuyén nay di
qua diém M, (6; 3).
Bii 317. Cao ding Miu Gido TW3 nim 2003
Cho tam gidc ABC c6 A(— 1;5) va phuong trinh duong thang BC : x —2y — 5 = 0 véi
Xy <X, va I(O; 1) la tim dudng tron ngoai tiép tam gidc ABC.
1/ Viét phuong trinh céc canh AB, AC ctia AABC.
2/ Goi A ,B,C, lan luot 12 chan dudng cao vé tir cic dinh A, B, C cta tam gidc. Tim toa do
cdc diém A,B,C.
3/ Goi E 12 tim dudng tron noi tiép AA BC, . Timtoa diém E.

Bii 318. Cao ding Lwong Thuc Thye Phim nim 2004 (Pai hoc Lwong Thye Thuc Phim)
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Bai 321.

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho diém A (2; 4). Viét phuong

trinh dudng thang trung tryc d ctia doan OA. Tir d6 suy ra phuong trinh dudng tron <C) cO tam

I & trén Ox va di qua hai diém O va A véi O 1a gbc toa do.

BS: d:x+2y—5=0, (C):(x—5) +y* =25.

. Cao ding Sw Pham Miu Giao TW3 nim 2004

Trong mit phang Oxy cho dudng tron (C) :x? +y° 4 2x — 4y = 0 va duong thang
d:x—y+1=0.
1/ Viét phuong trinh duong thang vudng géc véi d va tiép xic v6i dudng tron.

2/ Viét phuong trinh duong thang song song voi d va cat duong tron tai hai diém M, N sao cho
do dai MN = 2.

3/ Tim toa do diém T trén d sao cho qua T ké dugc hai duong thang tiép xiic véi (C) tai hai
diem A, B va ATB = 60".
Xx—y+3+222=0

bS: x—i—y—l—l—\/ﬁzo, ,
X—y+3-2/2=0

T(3;4) v T(-3-2).

, Cao dang Cong Nghiép Ha Ngi nim 2004

Trong mit phang véi hé tryc toa dd Oxy cho AABC, AB:x +y —2 =0,

AC: 2x + 6y + 3 = 0, canh BC ¢6 trung diém M (—1; 1) . Viét phuong trinh duong tron ngoai
tiép AABC.

2

X ——

bS: (C) : 5

I
Yy

Cao ding Giao Thong Vian Tai II nim 2004
Trong mit phiang véi hé tryc toa dd Descarter vudng géc Oxy, cho hai dudng tron:
(C1> X +y +6x—8y=0 va (02) :x° +y* 4 6x — 4y — 4 = 0. Chiing minh rang hai

duong tron d6 cit nhau tai hai diém phén biét. Hay viét phuong trinh truc dang phuong cua hai
duong tron do.

bS: (Cl) N (CZ) = {A(—?;l),B(l;l)} = Truc dang phuong =

. Cao ding Giao Thong Van Tii Il nim 2004

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong cong
(Cm):x2 +y° —4mx+2(m+2)y+6m2 —1=0.

1/ Xdc dinh m dé (C, ) 1a duong tron. Khi d6, tinh theo m toa o tam I va ban kinh R clia

(C.).

2/ Tim m dé (C ) 1a duong tron c6 tim nam trén dudng cong (P) y=x"—T.

m

bS: 1/—1<m<5v211<2m;—m—2),R:\/—m2+4m+5. 2/m:—g V m=1.
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Bai 323.

Bai 324.

Bai 327.

Cao ding Kinh Té Ky Thuit Thai Binh nim 2004
Trong mit phang véi hé truc toa dd Oxy, cho AABC c6 A (1;2), B<2;4), C<3;1).
1/ Lap phuong trinh duong tron qua A, B, C.

, .1
2/ Tim toa d6 diém M trén canh BC sao cho dién tich AABM bang g dién tich AABC.

Z;3].
3

2

5l _5 2/ M

2
pS: 1/ (C):[x—E +ly

2

Cao ding Cong Nghiép Ha Néi nim 2005

Trong mat phfmg véi hé truc toa do Oxy, cho AABC, biét cic canh AB, BC, CA lan luot c6
phuong trinh: 2x +y —-5=0, x +2y +2=0, 2x —y + 9 = 0. Tim toa d§ tdm dudng tron
noi tiép AABC.

BS: 1(-1;2).

. Cao ding Kinh Té — Ki Thuit Cong Nghiép I khoi A nim 2005

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ba diém A (—1; 2),
B (2; 3), C (2; —1) . Tim toa d6 tdm I ctia duong tron qua ba diém A, B, C.

DS: 1(1;1).

. Cao ding Suw Pham Ha Nam khéi B nim 2005

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho hai diém A (5; O), B (1; 4)
va duong thing d : x +y — 3 = 0. Viét phuong trinh duong tron (C) di qua A, B vaco tim
nam trén duong thang d.

Bs: (C): (x —2) +(y —1) =10.

Cao ding Sw Pham Son La khéi A, B, T, M niim 2005

Trong mit phang véi hé truc toa dd vudng géc Oxy, cho duong thing A:2x +y +3 =0 va
hai diém A(—5;1), B(—2;4).

1/ Viét phuong trinh duong tron <C) diquaA,Bvacotim I € A.
2/ Viét phuong trinh duong tiép tuyén tai A véi duong tron (C) .

3/ Viét phuong trinh céc tiép tuyén véi (C), biét tiép tuyén di qua D (1; 2) . Tim toa do tiép
diém.
2 2 x—1=0= M(L1)
BS: 1/ (C):(x+2) +(y—1) =9. 2/ x+5=0. 3 4X+3y_10:0$M[§;%].

. Cao ding Sw Pham Ca Mau khéi B nim 2005

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho A (—2; —1) va duong tron

(C):X2+y2—4x—6y—12:0.
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Bai 330.

1/ Chiing minh rang A 1a mot diém nam ngoai dudng tron.

2/ Viét phuong trinh cdc dudng thang di qua diém A va tiép xic voi dudng tron <C)

bS: 0.

Xi16+95ﬁy+34ig5ﬁ _

. Cao ding Sw Pham Tra Vinh khéi B, M niam 2005

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho AABC biét A (4; —2),

B (—2;2), C (—4; —1) . Viét phuong trinh duong tron <C) ngoai tiép AABC va phuong trinh
tiép tuyén véi (C) tai B.

31

y+

bS: (C):X2—|— 5

:67:5 vadx —Ty+22=0.

Cao ding Tai Chinh K¢ Toan nim 2005
Trong mat phfmg véi hé truc toa do Oxy, cho ba diém : A (2; —2), B (0; 4), C (—2; 2). Tim toa

d6 tryc tAm va tim dudng tron ngoai tiép AABC.

, Cao dang Sw Pham Séc Tring nim 2005

Trong mit phang véi hé tryc toa dd Oxy, cho hai diém A (4; 2), B (1; —1) . Viét phuong trinh

duodng tron qua A, B va ¢6 tim nam trén duong thang 2x —y = 0.

. Cao dang Y Té Thanh Héa nim 2005

Lap phuong trinh tiép tuyén chung ciia hai dudng tron (01) X4y —4x -2y +4=0va
(CQ) :x” +y® +4x + 2y — 4 = 0 trong mit phang toa do vudng géc Oxy.

. Cao ding Sw Pham Vinh Phiic niim 2005

Trong mit phang véi hé truc toa dd Oxy, cho dudng tron (C) X4y 4+ 2x—4y —20=0.
Viét phuong trinh tiép tuyén voi (C) , biét rang tiép tuyén d6 vudbng géc v6i dudng thing
d:x4+y=0.

. Cao ding Sw Pham Quing Binh nim 2005

Trong mit phang véi hé truc toa d6 Oxy, viét phuong trinh dudng tron (C) qua ba diém

M, (23), M, (45), M, (4;1). Chimg (6 diém K(5;2) thuc mién trong dwong tron (C). Viét
phuong trinh dudng thang d qua K sao cho d cit (C) theo day cung AB nhén K lam trung
diém.

Qua K

=-2<0,d: —.

bS: (C):x* +y* —8x — 6y +21 =0, —
_ ( ) Y Y P VTIPT n, = IK

(52)(c)

. Cao dang Kinh Té - Ky Thuit Cong Nghiép II khéi A nim 2006

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho duong tron

(C) :x° +y° —2x —4y + 3 = 0. Lap phuong trinh dudng tron (C ') dbi xtmg véi duong
tron <C) qua dudng thang d : x —2 = 0.

Page - 154 - "All the flower of tomorrow are in the seeks of today......




Pé cuong hoc tap mdén Todn 10 — Tap II Ths. L& Van Poan

Bai 336.

Bai 341.

bS: (C') : <x—3)2 +(y—2)2 =2.
Cao ding Xay Dung s6 3 khéi A nam 2006

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron
(C) :x” +y* —4x + 2y +1 = 0. Viét phuong trinh céc tiép tuyén cua (C) di qua F(O;B).

bS: d:x=0vad:3x+4y—-12=0.

. Cao ding Kinh Té DP6i Ngoai khdi A, D nim 2006

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho dudng tron

(C) :x” +y® +4x — 2y — 20 = 0. Tim tat ca cic tiép tuyén cta (C) song song voi dudng
thang 3x +4y = 0.

bS: d:3x+4y+27=0 V d:3x+4y—-23=0.

. Cao dang Sw Pham Hung Yén khéi B nim 2006

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, tim d6 dai diy cung xdc dinh boi
duomg thing 4x + 3y —8 = 0 va dudng tron tam 1(2;1) tiép xiic v6i duong thing
o9x =12y +15=0.

BS: (C):(x—2) +(y—1) =1 vads dai day cung ABz%

. Cao ding Sw Pham Miu Gidzo TW 3 nim 2006

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho cho hai dudng thang c6
phuong trinh: d :x -y +2=0, d,:2x+y—-5=0 va diém M(—1;4).

1/ Viét phuong trinh dudng thang A cit dy, d; 1an lugt tai A va B sao cho M 1a trung diém cua
doan AB.

2/ Viét phuong trinh duong tron <C) qua M va tiép xidc voi duong thang d, tai giao diém cia

d; voi truc tung.

2
)
X+ —

bS: 17 AB:x+1=0. 2/ (C): 6 +ly

1)
6 18

. Cao dang Sw Pham Trung Uong nim 2006

Trong mit phiang véi hé truc toa d6 Descarter vudng géc Oxy, cho dudng tron
(C):x* +y* —4x +2y + 1= 0 vadiém A(0;3). Xdc dinh toa d6 tim va bén kinh dudng

tron <C) Viét phuong trinh tiép tuyén ctia duong tron <C) ke tir A.
BS: Tam I(2—1) vaban kinh R = 2. C6 hai tiép tuyén: x =0 V 3x +4y —12=0.
Du bi khéi A — Cao ding Sw Pham Ha Nam nim 2006
Trong mit phang véi hé truc toa do Descarter vudng géc Oxy.
1/ Viét phuong trinh dudng thang A di qua A (2; 4) va tiép xiic voi duong tron
<C>2X2 +y' —2x -4y +4=0.
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Bai 344.

Bai 346.

7 1 7 ,
2/ Cho diém A(—2; 3), B [Z : 0], C (2; 0). Xdc dinh toa do diém I 1a tim duong tron noi tiép
tam gidc ABC.
11
DS: 1/ X—2:O\/y:§X-I—§. 2/ I|—;—|.
4° 2 2792

. Cao ding Ky Thuat Y Té I nim 2006

Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho hai duong thang d; va d, c6
phuong trinh d :2x+y+2=0, d,:2x +y—-1=0. Viét phuong trinh dudng tron c6 tim
nam trén truc Ox, déng thot tiép xuc voi d; va d,.

9
+y2=—

1
X+ — .
20

bS: (C) : 1

. Cao diang Tai Chinh — Hai Quan khdi A nam 2006

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron
(C) :x* +y* —2x + 4y — 5 = 0. Lap phuong trinh tiép tuyén véi duong tron (C) biét rang

tiép tuyén d6 di qua A <—4; 3) .

DS:3x+y+9=0V x+3y—5=0.

Cao dang Ky Thuit Cao Thing nim 2006

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron <C) c6 phuong

trinh: x> +y° —4x 4+ 8y —5=0.

1/ Viét phuong trinh tiép tuyén ctia dudng tron, biét céc tiép tuyén nay vudng géc voi duong
thang x +2y = 0.

2/ Tim diéu kién ciia m dé duong thing x + (m — 1)y +m = 0 tiép xiic voi duong tron.
PS: 1/ d:2x—y—8+55=0V d:2x—y—8—5J/5=0.
2/ d(LA)=R ¢ 8m” — 7m + 7 = 0 vo nghié¢m nén khong c6 m thoa YCBT.

. Cao déing Ki Thut Tp. Hd Chi Minh khéa II nim 2006

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho diém I(—Q; 1) va duong
thang d : 3x — 4y = 0.
1/ Viét phuong trinh dudng tron (C) c6 tam I v tiép xc véi d.
2/ Viét phuong trinh tap hop cdc diém ma qua cic diém d6 vé dugc hai tiép tuyén dén (C) sao
cho hai tiép tuyén vudng géc nhau.
2 2 2 2
pS: 1/ (C):(x+2) +(y—1) =4. 2/ Taphopla (C):(x+2) +(y—1) =8.
Cao ding Kinh Té — Cong Nghé¢ Tp. H6 Chi Minh khdi A nim 2006
Trong mit phang véi hé truc toa dd vudng géc Oxy, cho diém A (3; 0) va duong thing d c6

phuong trinh: 3x — 4y + 16 = 0. Viét phuong trinh dudng tron tim A va tiép xiic véi d.
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Bai 348.

Bai 349.

Bai 350.

Bai 351.

Bai 352.

bS: (C):(x—i&){z—i—y2 =25.

. Cao dang Kinh Té Tp. H6 Chi Minh niam 2007

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron ¢é phuong trinh
(C) :x? +y® —2x + 4y — 5 = 0. Lap phuong trinh tiép tuyén véi (C) qua diém M(—4;3).

DS: A :3x+y+9=0 VvV A :x+3y—-5=0.
Cao ding Sw Pham TW Tp. H6 Chi Minh niam 2007
Trong mit phang véi h¢ truc toa do Oxy, cho AABC ¢6 A (2;2), B(8;6), C(1;-1).

1/ Tim toa do diém H 1a chan duong cao ké tir dinh A ctia AABC.
2/ Viét phuong trinh dudng tron di qua hai diém A, B va ¢6 tim nam trén dudng thang
d:5x—3y+6=0.

3/ Viét phuong trinh duong thang di qua diém A va cich diém B mot khoang bang 6.
pS: 1/ H(31). 2 (C):(x—3) +(y—7) =26. 3 x—2=0V 5x+12y — 34 =0.
Cao ding Ky Thuit Cao Thing nim 2007
Trong mit phang véi hé truc toa do vudng gée Oxy, cho duong tron (C) c6 phuong trinh:
x” +y* — 6x — 4y — 28 = 0. Viét phuong trinh céc tiép tuyén véi duong tron (C), biét cic
tiép tuyén d6 song song voi duong thing 5x + 4y = 0.
BS: d :5x+4y+18=0 V d,:5x+4y —6=0.
Cao ding A, A1, B, D nim 2012 (Chwong trinh ning cao)
Trong mit phang véi hé truc toa dd Oxy, cho dudng thang d : 2x — y + 3 = 0. Viét phuong
trinh dudng tron cé tam thudc d, cit truc Oxy tai A va B, cit truc Oy tai C va D sao cho
AB=CD =2.

2 2
BS: (C):(x+3) +(y+3) =10.
Pai hoc Sw Pham Tp. H6 Chi Minh niim 1976
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho bon diém: A (1; —1),
B(4;2), C(1;5) va D(-22).

—_— — —— —— R —

1/ Tinh mddun cia AB, AD, CD, CB. Ching minh rang AB va AD vuong géc. Tir d6 suy
ra tir gidc ABCD Ia hinh gi ?

2/ Viét phuong trinh dudng tron ngoai tiép tir gidc ABCD.

CB

ps: 1/ ‘Xﬁ = 3v/2; Hinhvuong. 2/ (C):(x—1) +(y—2) =3.

:‘Xﬁ‘:

613‘:

Pai hoc Gido Duc Tp. Hd Chi Minh khéi A nim 1976

Nguoi ta cho hai truc toa do truc chuén x'x va y'y va mdt $6 duong o. Vong tron (C) voi
phuong trinh: x* +y* —a” = 0 cit nira truc Ox & A va nira truc Ox' & A",

1/ Viét phuong trinh vong tron dudng kinh OA'. Ta goi  1a tm ciia vong tron do.

2/ Goi Az 1a nira tiép tuyén & bén trong géc xOy ctia vong tron (C) . Viét phuong trinh cua

vong tron tiep xuc vdi y'y, x'x va Az. Goi y 1a tdm cua vong tron do.

"Can cii bii thong minh............ " Page - 157 -




Ths. Lé Van DBoan Phan hinh hoc

3/ Tim phuong trinh ctia nhitng tiép tuyén chung cho cdc vong tron tim o va v .

ol vt (3]

1i\/_ 3«
3/ dI:X:OdeS:yZEX—l— d, y:—ZX—I—Z.

2 2

i
y2

bS: 1/ (Cw): +y = +

Q
X+ —
2

. Pai hoc Y - Nha - Dwgc Tp. Ho6 Chi Minh nim 1977

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho céc dudng tron
(C):x2+y2—x—y:0 va (C'):X2+y2—x+y:0,

1/ Xac dinh toa d6 tdm cua (C) va (C ') . Tinh bén kinh cta ting dudng tron néi trén.

2/ Mot duong thang d c6 phuong trinh y = mx cét vong tron (C) tai hai diém O va M, dong
thoi cat duong tron (C') tai hai diém O va M". Tinh toa d6 diém M va M theo m.

m—1 m (m — 1)

\/5 m?>+1 m?-1

n el

mZ—i—l7 m’ —1

, DPai hoc Bach Khoa Tp. H6 Chi Minh nim 1978

Trong mit phang véi hé truc toa & Descarter vudng géc Oxy, cho duong tron (C) c6 phuong

trinh: x* + y* 4 2x — 4y = 0. Viét phuong trinh tiép tuyén (C) xuét phat tir diém M (4; 7) .

X
bS: d:y=2x-1V dz:y=5+5.

, Dai hoc Kinh Té Tp. H6 Chi Minh nim 1978

Trong mit phiang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron (C) c6 phuong
trinh: x> +y* 4+ 2x — 4y = 0. Puong tron nay cit Ox tai A va O, cit Oy tai B va O.

1/ Viét phuong trinh céc tiép tuyén véi (C) tai O, A, B.

2/ Viét phuong trinh cdc tiép tuyén voi (C) xuét phat tir M (4;7).

t,:x—2y=0
DS: 1/ 1t :x+2y+2=0. 2 diy=2x—1V dzzy:§+5.

A

t,ix+2y—8=0

. Dai hoc Bach Khoa Ha N¢i nam 1978

Trong mit phang véi hé tryc toa dd vudng géc Oxy, hdy viét phuwong trinh dudng tron qua hai

1[ \/71

2

bS: (Cl):xz+y2:1 \Y% (CQ):(X—Q\/§+2)2+(Y—2\/§—1)2:25

diém: A ,

va tiép xidc voi duong thang: A : x — \/gy -2=0.
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Bai 357.

Pai hoc Nong Nghiép — Tong Hop — Sw Pham — Ky Thuit nim 1980

Trong mit phang véi hé truc toa dd vudng géc Oxy, hdy viét phuong trinh dudng tron tim
A (2; —1), tiép xdc véi duong thang 4y — 3x = 5 va xdc dinh tiép diém véi dudng do.
25’25

ps: (C):(x—2) +(y+1) =9wa H[ﬁﬁ]

. Dai hoc Kinh Té-Sw Pham-Nong Nghiép-Bach Khoa-Tong Hop-Y-Nha-Dwoc nim 1982

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho hai diém A (8; 0), B (0;6).
1/ Viét phuong trinh duong tron (C) ngoai tiép AOAB.

2/ Viét phuong trinh céc tiép tuyén véi dudng tron (C) vaqua S (14; 8) .

3/ Viét phuong trinh dudng tron noi tiép AOAB.

BS: 1/ (C):x’ +y* —8x—6y=0. 2/ T:y—8=0 V T,:dx—3y+4=0.

3 (C):(x—2) +(y—2) =4.

. Pai hoc Bach Khoa Tp. H6 Chi Minh nim 1986

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, 1ap phuong trinh dudng tron di
qua cic diém A (—1;1) va B (1; —3) 6 tAm nam trén duong thing c6 phuong trinh:
2x—y+1=0.
2 2
y+ >
3

_65

bS: + .
9

4
X+ -
3

. DPai hoc Nong Lam Tp. H6 Chi Minh 1991

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong cong (C ) c6

phuong trinh: (Cm) X+ yt - (m - 2)X +2my —1=0.
1/ Tim tap hgp tam cac dudng tron (Cm) .
2/ Chung to rang cdc duong tron nay déu qua hai diém cd dinh khi m thay doi.
3/ Cho m = —2 vadiém A (0; —1) . Viét phuong trinh cdc tiép tuyén cta duong tron (072) \E
tr diém A.
BS: 1/ Quy tichttm I1a d:2x +y+2=10. 2/ Haidiém cédinh A(-2;—1), B[%;%].
3/ C6 hai tiép tuyén: (T,):y +1=0 Vv (T,}:12x — 5y = 0.

. Pai hoc Kién Triic Tp. H6 Chi Minh nim 1995

Trong mat phfmg véi hé truc toa do Descarter vudng géc Oxy, cho hai diém A (a; 0) va B (0; a)

voi a > 0. Cho tham s6o thuc m = 0 va m = a.

1/ Hay viét phuong trinh dudng tron (C) tiép xdc voi truc hoanh tai A va c6 tim thoa y,=m
(y1 1a tung do6 cua I).

2/ (C) cit duong thing AB tai A va P. Hiy tim toa do ctia diém P. Tir d6 hay viét phuong

trinh duong tron (E) di qua P va tiép xic véi truc tung tai B.
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3/ (C) va (E) cat nhau tai P va Q. Chimg minh réng duomg thing PQ luon luon di qua mot

diém cb dinh.
DS: 1/ (C):(X—a)2+(y—m)2:m2.
2/ P(a—m;m) VQ(E):(X—a+m)2+(y—a)2:(a—m)z.

3/ PQ luén di qua diém c6 dinh O(O; O) .

. Dai hoc Cong Poan nam 1995

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong thang phu thudc
tham s o : (x—l)cosu +(y— 1)sin0L —1=0.

1/ Tim tap hop céc diém ctia mat phang khong thudc bat clr dudng thang nao cia ho.
2/ Chtig minh rang moi dudng thang cuia ho déu tiép xiic voi mot duong tron ¢ dinh.

DS: 1/ Tap hop cic diém ma (C, ) khong thé di qua la mién trong cia hinh tron (C) c6
phuong trinh: (C) : (x — 1)2 + (y - 1)2 <1.

2/ Tiép xic voi dudng tron (C): (x —1) +(y —1) = 1.

. Pai hoc Dan Lap Duy Tan niam 1995

m

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ho dudng tron (C ) co
phuong trinh 12 (Cm) :x° —2mx 4 y° + Q(m + 1)y -12=0.
1/ Tim quy tich tdm cta ho duong tron trén.
2/ Vi gia tri nao cta m thi ban kinh ctia ho duong tron da cho 14 nho nhat ?
3/ V6i m = 2.
a/ V& duong tron (C, ).
b/ Cho duong thiang d ¢é phuong trinh 12 d : 3x — 3y 4+ 12 = 0. Tim khoang cdch ngin
nhat giira d va (CZ) .
DS: 1/Quytichtaimlad:x+y+1=0. 2/ Rmm:#(:)m:%.
3/ dja(c, )| =1.

. Pai hoc Dan Lap Hung Vuong nam 1995

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai dudng tron c6 phuong
trinh 1an Tuot 1a (C): x* +y” =1 va (C'):x* +y* — 6x + 6y + 17 = 0.

1/ Tim tam va bén kinh ciia (C) va (C').
2/ Tim phuong trinh duong thing tiép xiic voi ca hai dudng tron trén.
bS: 1/ (C) 6 tAm o(o;o), R, =1va (C') c6 tam 1(3;—3), R, =1.

2/ ALQ:—X—y:t\/E:O.

Bii 365. Pai hoc Y Dwgc Tp. H Chi Minh nim 1995
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Bai 371.

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, xét hai diém A (a; 0) va B (0;b)
véi ab = 0. Goi (C) 1a duong tron tiép xic véi Ox tai A va c6 tim C véi tung do Yo =m,
a’ +b’
ab
1/ Puodng thang AB cit duong tron (C) tai giao diém thir hai 1a P. Hay xéc dinh toa d¢ diém P.

trong d6 m la tham s6, m = 0 va m =

2/ Xéc dinh tdm K cua duong tron (K) tiép xic voi truc Oy tai B va di qua P.
3/ Céc duong tron (C) va (K) cét nhau tai P va Q. Chimg 6 khi m thay d6i dudng thin PQ
Iudn di qua mét diém ¢ dinh.
2abm 2b’m
a’+b* a’ + b’

2 2 3 .12 2 13
a”+b 2bm;b].3/Moa ab” ba” —b

.21 K ;
a’+b®> a’+b’

bS: 1/ Pla—
2a

. Pai hoc Quéc Gia Ha Ngi nim 1995

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, viét phuong trinh dudng tron
tiép xtic véi Ox va céit Oy tai diém (0;1). Tim quy tich tam cita duong tron d6.

2

x +1
5

bS: (C) :x° +y* —2ax — (a2 + 1)y +a® = 0 va quy tich 1a Parabol (P) 1y =

. Dai hoc Ngoai Thuwong nim 1996

Trong mit phiang véi hé truc toa dd Descarter vudng géc Oxy, 1ap phuong trinh dudng tron
ngoai tiép tam gidc ¢6 ba dinh 1a A(l; 1), B (—1;2), C(O;—l).

bS: (C):x2+y2+x—y—2:0.

. Pai hoc Quéc Gia Ha Ngi nim 1996

Trong mit phiang véi hé truc toa d6 Descarter vudng géc Oxy, 1ap phuong trinh dudng tron
.k . 5 , 2
ngoai tiep tam gidc c6 ba canh nam trén ba duong thang: d, : y = % - g, d,:y=x+2,

d,:y=8-—x.

bS: (C):(x—2)2+y2 =26.

. Pai hoc Y Duge Tp. Ho Chi Minh niim 1997 — Hé chwa phan ban

Trong mit phang véi hé tryc toa dd vudng géc Oxy, cho ho dudng tron c6 phuong trinh:
(C,): ¥ +y" —2mx —2(1 - m)y + 2m” —2m — 3 = 0. Cho m = 2 va diém A (0;3). Hay

viét phuong trinh céc tiép tuyén ciia (CQ) ké tur A.

BS: d =0y:x=0 Vv d,:3x+4y—-12=0.

. Dai hoc Ngoai Thwong Tp. Ho6 Chi Minh khéi A, D niim 1997

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron:
(C) :x? 4+ y° 4 2x — 4y — 4 = 0 va diém A(3;5) . Hay tim phuong trinh cic tiép tuyén ké tir
A dén duong tron. Gia str cdc tiép tuyén tiép xic véi duong tron tai M va N, tim do dai MN .

bS: d :y-5=0Vd,:24x -7y —37=0.
Pai hoc Tai Chinh Ké Toan Ha Noi nim 1997
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Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron:

(C) x4+ y? —2x — 6y + 6 = 0 vadiém M<2;4).

1/ Viét phuong trinh dudng thang di qua M va cit dudng tron tai hai diém A, B sao cho M 1a
trung di€m cua doan AB.

2/ Viét phuong trinh céc tiép tuyén cua dudng tron c6 hé sb géc k = —1.

DS 1/ dix+y—6=0. 2/ A :x+y+22+4=0V A :x+y—2y2-4=0.

. Dai hoc Vin Lang khdi A nim 1997

Trong mit phiang v6i hé truc toa dd Descarter vudng géc Oxy, cho ho duong cong
(Cm):x2 +y° —(m—2)x+2my—1: 0.

1/ Tim tap hop tam cdc dudng tron (Cm) .

2/ Tim céc diém c6 dinh ma (C ) ludn di qua khi m thay doi.

bs: 1/ I[mT_Z;—m]:» tiphoptimla d:2x +y+2=0. 2/ A(z;—1), B[%;%].

. Pai hoc Y Duge Tp. Ho Chi Minh niim 1997 (chwa phén ban)

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ho dudng tron:
(C,):x" +y" —2mx —2(1—m)y +2m’ — 2m — 3 = 0. Tim quy tich tm ctia dwong tron.

Cho m = 2 va diém A(O; 3). Viét cdc phuong trinh tiép tuyén cua (CZ) ké tr A.
PS: Quytichlad:y=-—x+1. Cictiéptuyén: x =0 V 3x+4y —12=0.

. DPai hoc An Ninh (dé 1) khdi A nim 1997

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai dudng tron:
(Cl):x2 +y*—2x+4y—4=0 va (Cz):x2 +y  +2x -2y —14 = 0.

1/ Xéac dinh céc giao diém cta (Cl) va (CQ) .

2/ Viét phuong trinh duong tron di qua hai giao diém d6 va A (0; 1) .

74183 —17+1243

bS: 1/ B
13 13

T-18V3 —17-1243]
13 1 ’

3

2/ (C):16x> +16y” — 28x + 58y — T4 =0,

. Dai hoc Bach Khoa Ha N§i — Pai hoc Luat Ha N¢i nam 1997

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, hiy viét phuong trinh dudng
tron di qua diém A (2; —1) va tiép xtdc véi hai truc toa do Ox va Oy.

bS: (C):(x—1)2+(y+1)2:1 \% (C):(x—5)2+(y+5)2:25.

. DPai hoc Thily Sdn nam 1997

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho A (— 1; 3), B (1; 1), M (2; 4)
va duong thiang d : y = 2x.

1/ Tim toa d6 diém C € d sao cho AABC can.

2/ Viét phuwong trinh duong tron (ABM) .
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515 102315 3+£+/39 6+24/39

bS: 1/ C6 4 diém thoa yéu cau: C
5 5 5 5

v C

3 11
2 (Cpy) 13 43"~ Sx = Sy £5=0,

Bai 377. Pai hoc Thai Nguyén khéi A, B nim 1997

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hoc dudng tron

(C) :x” +y* —2my = 0 va ho duong thang d : y = —mx + m.

1/ Chang minh rang d ludn di qua tim cua dudng tron (C) va ho dudng thing d qua mot diém
¢d dinh.

2/ Tim quy tich giao diém ctia ho dudng tron (C) va ho duong thing d.

x> (1 — X)

BS: 1/ Piém cb dinh M_(1;0). 2/ Quy tich diém la duong cong y> = —
X

Bii 378. Cao ding Kinh T¢ P6i Ngoai nim 1998 — hé phan ban
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong cong c6 phuong

trinh: (C ):x2+y2+4mx—2my+2m+3:0.

m

1/ Pinh m dé (C,, ) 1a dudng tron.

2/ Tim tap hgp tam cdc duong tron (Cm) .

5 x+2y=0
bS: 1/ m<—§ V m>1. 2/ Lamétphin duong thang d :

y < _2 Vy> 1
3
Bai 379. Pai hoc Thily Sdn nam 1998

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, hiy 1ap phuong trinh dudng tron
qua A(3;3), B(1;1), C(5;1).

bS: (ABC):X2+y2—6X—2y+6:0.

Bai 380. Pai hoc Nong Nghiép I khdi A nim 1998

Trong mat phfmg v0i hé truc toa do Descarter vudng géc Oxy, cho A (3; 1), B (0; 7), C (5; 2) .

1/ Chtirng minh AABC vudng va tinh dién tich cta né.

2/ Gia st M 1a diém chay trén duong tron ngoai tiép AABC. Ching minh khi d6 trong tim G
cua AMBC chay trén mot duong tron. Vi€t phuong trinh chinh tac dudng tron do.

2 2

9

Y 2

bS: 17 S = E(('I‘th) . 2/ (C) : [X 3

AABC 2 2

25

+ ==,
18

Bii 381. Pai hoc Thai Nguyén khéi D nim 1998

Trong mit phang véi hé truc toa d Descarter vudng géc Oxy, cho A (0; 6), B (4; 0), C (3; 0).
Puomg thing (A): x = m (m thay ddi) cat AB va AC tai M va N. Goi hinh chiéu ciia M, N

trén truc hoanh 1a P va Q. Goi H va E 1an luot 1a trung diém AO va BC. Goi I 12 tAm hinh chit
nhat MNQP.
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Bai 382.

Bai 383.

Bai 385.

1/ Chirng minh ba diém H, E, I thang hang.
2/ Tim tam dudng tron (ABC) .
3/ Tim diém T € AC saocho OT 1 BT.

7 186
5 )

DS: 2/ J[—;4]. 3/ T(z;z) v T :
2 5

Pai hoc My Thuat Cong Nghiép nam 1998

Trong mat phfmg v0i hé truc toa do Descarter vudng géc Oxy, cho A (8; 0), B (0; 6).

1/ Viét phuong trinh duong tron ngoai tiép AOAB.

2/ Viet phuong trinh duong tron ndi ticp AOAB.

BS: 1/ (C)=(ABC):x* +y* —8x —6y =0. 2 (C'):(x—2) +(y—2) =4.
Pai hoc An Ninh nidm 1998

Trong mat phfmg v0i hé truc toa do Descarter vudng géc Oxy, cho A (4; 0), B (0; 3) .
1/ Viét phuong trinh dudng tron ngoai tiép AOAB.

2/ Viet phuong trinh dudng tron ndi ticp AOABC.

Bs: 1/ (C):(x—2) + X—%]2:§. 2 (C):(x—1) +(y—1) =1.

4

. Dai hoc Kién Tric Ha Noi nim 1998

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho dudng tron ¢6 phuong trinh:
(C) :x? 4+ y? 4 2x — 4y — 20 = 0 vadiém A(B; 0). Viét phuong trinh dudng thang chira day
cung cua duong tron qua A khi:
1/ Day cung c6 d6 dai 12 16n nhat.
2/ Day cung c6 d6 dai 1a nho nhat.
bS: 1/ A:x+2y—-3=0. 2/ d:2x—y—-6=0.
Pai hoc K§ Thuit Cong Nghé Tp. Ho Chi Minh khdi A nim 1998
Trong mit phang véi hé truc toa do Descarter vudng géc Oxy:
1/ Cho diém A(3;—2) va dudng tron (C) :x” +y° — 4x — 2y = 0. Viét phuong trinh nhiing
tiép tuyén véi (C) v tir A va tim toa ¢ cdc tiép diém.
2/ Lap phuong trinh dudng tron tdm I<4; 3) va tiép xic voi duong thang d : x +2y — 5= 0.
d:y=2x-8
. 2 2
DS: 1/ 11 vaM(40), N(L-1). 2 (C):(x—4) +(y—3) =5.

y=——X——
21y 2 2

. Hoc Vién Buu Chinh Vién Thong — H¢ Trung Cap nim 1998

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho duong tron
(C):x* +y* +4x — 4y — 1 = 0 vadiém M (0;—1). Viét phuong trinh tiép tuyén voi duomg

tron (C) Xuét phat tir M.

bS: d:y+1=0Vd, :12x -5y —5=0.
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Bai 387.

Bai 392.

Cao ding Kinh Té D6i Ngoai nim 1998 — H¢ phan ban
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho dudng tron
(C) :x* +y® —6x + 2y + 5 = 0. Tim phuong trinh tiép tuyén véi (C) c6 hé s6 géc la —2.

bS: d:2x+y=0V d, :2x+y—-10=0.

. Pai hoc Xay Dung Ha N§i nam 1998

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho hai dudng tron tim A (1; 0),
ban kinh R, =4 va tim B(—1,0), ban kinh R, = 2. Tim tp hop tam I(x;y) ctia cdc

duong tron tiép xtc voi ca hai dudng tron trén.

BS: TH;. T € (x'Ox) > AB:y =0. m;,le(E):%2+y§2:1.

. Dai hoc Kién Tric Ha Ngi nim 1998

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai dudng thang:
d, :3x + 4y +5=0, d, :4x -3y — 5 = 0. Viét phuong trintql duong tron c6 tam nam trén
duong thang A : x — 6y — 10 = 0 va tiép xuc voi hai duong thang d; va ds.

2
BS: (C)):(x—10) +y* =49 v (CZ);[X_E +yr

43 1849 °

70) 49
= 43

. Dai hoc Pa Lat khoi B nim 1999

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho duong cong (C ) co

m

phuong trinh: x° +y° —2(a+1)x—4(a—1)y+5—a:0.

1/ Tim didu ki¢n ciaa dé (C, ) 1a duong tron.

m

2/ Tim a dé dudng tron (C ) tiép xtc véi duong thing y = x.

22485
=

DS: 1/ a<0va>1. 2/ a

. Dai hoc Ngoai Thwrong khéi D nim 1999

2

Cho Parabol y = x> — 2x v elip % +y?=1.

1/ Chirng minh rang parabol va elip cit nhau tai bon diém phan biét A, B, C, D.
2/ Chtg minh rang bon diém A, B, C, D ciing ndm trén mot dudng tron. Xdc dinh tim va ban
kinh cta duong tron do6.

4 V161
bS: 1/ PTHDGD: 9x' — 36x” + 37x* =9 =0. 2/ Tam I[S;g , R= Tﬁ

Pai hoc Ngoai Thwong khéi A nim 1999

Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho ho vong tron
(C,):x*+y —2mx —2(m +1)y +2m —1=0.

1/ Chimg minh rang khi m thay doi, ho vong tron ludn ludn di qua hai diém c6 dinh.

2/ Chiing minh rang véi moi m, ho vong tron ludn cat truc tung tai hai diém phan biét.

bS: 1/ A (—1;2), B (1; 0) . 2/ Hai diém A va B lu6n ndm vé hai phia tryc tung ~ dpcm.
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Bii 393. Pai hoc Ngoai Ngir Ha Noi khéi D nam 1999
Trong mit phang véi hé tryc toa dd vudng géc Oxy, lap phuong trinh dudng thing qua gdc toa

do va cit duomg tron (C): (x — 1)’ +(y +3) =25 thanh mot day cung c6 do dai = 8.
3
bS: d:y=0V d:y:ZX.

Bii 394. Pai hoc Dan Lap Ky Thuit Cong Ngh¢ khdi A, B nim 1999
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho duong tron
(C):X2 +y® =1 vaduong thang d : Ax + By +1=0.

1/ Tim diéu ki¢n ctia A, B dé d tiép xic véi (C).
2/ Gia sird tiép xic v6i (C) va M,N la hai diém thuge (C) sao cho x, = —1, y, = 1. Hay
tinh A, B dé tong khoang cach tir M va N dén d 12 nho nhat.

V2
A = cosx A=—

DS: 1/ A’ +B’=1. 2/ Pit - S —2-2khix="" o 2 .
B =sinx min 4 \/5

Py

Bai 395. Pai hoc Y Dugc Tp. Ho Chi Minh nim 1999
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho phwong trinh cdc dudng

tron: (C):X2+y2—1:0 va (C ):X2+y2——2(m—|—1)x+4my—5:0.

m

1/ Ching minh rang: ¢6 hai duong tron thudc ho (C ) tiép xic véi (C) .

m

2/ Viét phuong trinh cdc tiép tuyén chung ciia hai dudng tron vira tim dwoc & cau 1/,

(071) : Tam I (0;2), R, =3

bS: 1/ 8 6

pS L2 d 2x+y—2+3/5=0.
(C,),): Tam 1, [—;——], R, =3 12 P EETY
5 5

Bai 396. Pai hoc Quoc Gia Ha Noi khoi A nim 1999 — Hé chwra phéan ban
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ho duong tron c¢6 phuong
trinh: x* + y” —2(m —I—l)x —Q(m +2)y +6m + 7 = 0 véi m Ia tham s6.

1/ Tim quy tich tdm cac duong tron d6 c6 ho do.
2/ Xac dinh toa d¢ tdm cta duong tron thude ho da cho ma tiép xtc voi truc Oy.

Im(m—i—l;m—i—Q) . .
bS: 1/ Quy tich tdm 1a mot phan cua duong thang A :y = x + 1 voi
R = 2(m* 1]

x <0

S92 2/ Tam I, (4;5) tiép xtdc vdi truc tung Oy.

Bii 397. Pai hoc Quéc Gia Tp. Ho Chi Minh dot 1 khéi A nim 1999
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai dudng tron c6 phuong
trinh: (Cl):x2 +y —4x+2y—4=0 va (Cz):x2 +y? —10x — 6y + 30 = 0 ¢6 tam lan

Iuotlalval.

1/ Ching minh rang (Cl) tiép xtc ngoai voi (CQ) va tim toa d6 tiép diém H.
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Bai 401.

2/ Goi d 1a mt tiép tuyén chung khong di qua H ciia (01) va (CQ) . Tim toa d9 giao diém K
ctia d va dudng thang IJ. Viét phuong trinh dudng tron (C di qua K va tiép xic v6i hai
duong tron (Cl) va (CQ) tai H.

bS: 1/ E -3 =H

HJ

7

’

2/ K(13;11) va (C):[X__2

. Pai hoc Ngoai Ngir Ha N¢i nam 2000

Trong mit phang cho ba diém: A (—1; 7) ,B (4; —3) ,C (—4; 1) . Hay viét phuong trinh dudng
tron ndi tiép AABC.

ps: (C):(x+1) +(y—2) =5.

. Pai hoc Dan Lap Hung Vuong — Ban B nam 2000

Trong mat phfmg véi hé truc toa d¢ Descarter vudng géc Oxy, cho hai diém A (3; 0), B (0;4) .
1/ Hay viét phuong trinh dudng cao cia AOAB ha tir dinh O va duong phan gidc cua géc

OAB.
2/ Hay viét phuong trinh dudng tron ngoai tiép va dudng tron ndi tiép ciia AOAB.

25

2
2
DS: 1/ OH:3x—4y =0, At:x+2y—3=0. 2/ <C):[X_§] +(y—2)
() fe—1] (o1 =

. Pai hoc Dan Lap Hung Vwong ban C nam 2000

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ho dudng tron
(Cm) xP -y’ —2(1+m)x+2m2y+m4 =0, (m = 1).
1/ Hay tim quy tich ctia tim ho dudng tron nay khi tham s6 thyc m bién thién.

2/ Hay ching to rang cdc duong tron trong ho d6 1udn ludn tiép xic véi mot duong thang cb
dinh. Hay tim duong thang c6 dinh d6 ?

DS: 1/ Quy tich tim 1(1 - m;m2) 1a dudng Parabol v = x* —2x + 1, x = 0. 2/ Oy.
Pai hoc Hang Hai nam 2000

Trong mit phiang véi hé truc toa dd Descarter vudng géc Oxy, cho dudng tron

(C):x* +y* —6x +2y —6 =0 vadiém A(1;3).

1/ Xc dinh tam I va bén kinh R cita dudng tron (C) va chimg t6 A ndm ngoai (C).

2/ Lap phuong trinh tiép tuyén ciia (C) xuét phat tir A.

BS: 1/ 1(3;-1); R =2; 1A =20 > 2. 2/X:1\/y:—zx+%.

. Pai hoc Quéc Gia Tp. Hé Chi Minh dot 2 niim 2000

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong cong (C ) c6

m

phuong trinh: x* +y° —I—2(m—1)x—2(m—2)y+m2 —8m+13=0.
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Bai 406.

1/ Tim tat ca céc gia tri cia m dé (Cm) 1a dudng tron. Tim quy tich tdm I cua duong tron (Cm)
khi m thay d6i.
2/ Cho m = 4. Viét phuong trinh cdc tiép tuyén ké tir diém A (1; 5) dén duong tron (C 4) .
X>95

PS: 1/ m < —4Vm > 2 vaquy tich tim I 12 hai tiandm trén d : y = —x — 1 v6i <1
X < —

2/ d :Tx+24y—127=0 V d,:x—1=0.

. Dai hoc Thily Sdn Nha Trang nam 2000

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho ho dudng tron (C ) co

phuong trinh: x° +y° — (m — 2)x +2my —-1=0.
1/ Chang minh rang ho dudng tron (Cm) di qua hai diém cb dinh khi m thay doi.

2/ Cho m = —2 vadiém A (0;—1). Viét phuong trinh cdc tip tuyén cia (C_, ) ké tir A.

bs: 1/ Ml(—2;—1>, MQ[E%] 2/ d :y+1=0Vd,:12x -5y —5=0.

. Pai hoc Dugrc Ha Noi nam 2000

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho céc dudng tron:
(C):X2 +y =1va (Cm):x2 +y? —2(m—|—1)x+4my:5.
1/ Ching minh riing c6 hai duéng tron (C,, |, (C,, | tiép xiic véi duomg tron (C) tng v hai

gid tri m; va mp cia m.

2/ Xdc dinh phuong trinh cdc dudng thang tiép xiic véi ca hai dudng tron (C ), (Cm ) .

Ill1

d :2x+y+3J5—2=0

PS: l/m:—lAmzé. .
5 d,:2x+y—3/5-2=0

. Pai hoc Tay Nguyén khéi A, B nim 2000

Trong mit phang véi hé tryc toa dd vudng géc Oxy, cho hai duong tron (01) va (CQ) co
phuong trinh: (C,}: x* +y* —2x — 9y —2=0va (C,): X" +y* —8x — 9y + 16 = 0.
1/ Chang minh rang hai duong tron (Cl) va (CQ) tiép xtic voi nhau.
2/ Viét phuong trinh céc tiép tuyén chung cta (Cl) va (CQ) .

d:x-3=0
DS: 1/ Tiép xiic ngoai tai T(3:1). 2/ |d,:x— 22y + 22 ~7=0.

d, :x+242y —242 -7 =0
Pai hoc Dan Lap Hung Vwong — Ban C nam 2000
Trong mit phiang véi hé tryc toa dd Descarter vudng géc Oxy, cho ho dudng tron:
(Cm):x2 +y? —2(1—m)x—2my+4 =0, (m¢ 1).

1/ Hay tim quy tich tim ho duong tron nay khi tham s6 thuc m bién thién.
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2/ Hay chimg to ring cic dudng tron trong ho ludn ludn tiép xtic voi mot duong thing cb dinh.
Hay tim duong thang co dinh do.

DBS: 1/ Quy tich tam I, la parabol (P):y = x* — 2x +1 trir di diém M(O; 1) e (P).

2/ (C ) 1udn tiép xtic véi truc tung Oy : x = 0.

m

Bai 407. Pai hoc Can Tho nim 2000
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho duong tron c¢6 phuong
trinh: (C ):x2 +y? —(2m+5)x+(4m—1)y—2m+4: 0.

m

1/ Chang minh ring (C ) ludn di qua hai diém c6 dinh Vm € R .

m

2/ Xéc dinh tat ca cdc gid tri cia m dé (C ) tiép xidc véi truc tung.

V15

BS: 1/ A(11), B(3;2). 2 m =

Bii 408. Pai hoc Ngoai Thwong co sé II khéi A nam 2000

Cho Parabol y = x” va duong thing y = mx + 1. Chting minh rang khi m thay d6i, duong
thang ludn lu6n cit parabol tai hai diém phan biét A va B. Hay tim quy tich tdm vong tron
ngoai tiep AOAB khi m thay d6i véi O 1a goc toa do.

BS: PTHDGD:x’ —mx—1=0= A=m’+4>0. TaphoptamIla (P):y =2x" +1.

Bai 409. Pai hoc Quin Sy B Qudc Phong nim 2001

Trong mit phang véi hé truc toa do vudng géc Oxy, cho A (2; —4), B [g%], C (6; 0) . Tim tdm

va ban kinh duong tron ndi tiép AABC.
Bii 410. Pai hoc Sw Pham K§ Thuit Tp. H6 Chi Minh nim 2001
Trong mat phéng véi hé truc toa d§ Descarter vudng géc Oxy, cho AABC biét A (—1;2),
B(2,0), C(-3:1).
1/ Xéc dinh tim duong tron ngoai tiép AABC.

2/ Tim diém M trén duong thang BC sao cho dién tich AABM bang % dién tich AABC.

bS: IIIE;E. 2/1\/[1;l VME;—l.
14 14 33 3 3
Bai 411. Pai hoc Mé Ban Cong nam 2001
Trong Trong mit phang vai hé truc toa d6 vudng géc Oxy, cho A (1;2), B (0; 1), C (—2; 1) .

1/ Viét phwong trinh duong thang AB.

2/ Viét phuong trinh duong cao CH ctia AABC.

3/ Viét phuong trinh dudng tron ngoai tiép AABC.
Bai 412. Pai hoc Dan Lap Vian Lang nam 2001

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho M [2;%] .

1/ Viét phuong trinh duong tron (C) duong kinh OM.
2/ Viét phuong trinh du&ypg thang d qua M va cit hai nira truc duong Ox, Oy tai A va B sao
cho dién tich AOAB bang 6. ) )
3/ Tim toa d¢ tdm I cua duong tron ndi tiép AOAB va viét phuong trinh duong tron do.
Bai 413. DPai hoc Tai Chinh Ké Toan Ha N§i nam 2001
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Bai 414.

Bai 418.

Bai 419.

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho ho dudng tron
(Cm):x2 +y +2mx —6y+4-—m=0.
1/ Chang minh ring (Cm) l1a duong tron véi moi m. Hay tim tap hgp tam cac dudng tron
(C,,) khi m thay doi.
2/ Véi m = 4. Hay viét phuong trinh duong thing vuong géc voi duong thang
A :3x —4y +10 = 0 va cit duong tron tai hai diém A va B sao cho AB = 6.

PS: 1/ I(~m;3)= Qu tich tam Ia du 3 dpsdxt 3y +27=0

: —m;3) = ud =3. .

= o Hy e am e auons ¥ d,:4x+3y—13=0

Pai hoc Y Ha N¢i nam 2001

Cho dudng tron ¢6 phuong trinh: x> + y* 4 8x — 4y — 5 = 0. Viét phuong trinh tiép tuyén
ctia dudng tron di qua diém A (0; — 1) .

bS: 4x-3y—-3=0.

. Pai hoc Y Thai Binh — H¢ dai han

Cho M (4; 3) 12 mot diém trén Parabol (P) .y = x* — 4x + 3. Viét phuong trinh dudng tron

tiép xtic voi véi (P) tai M va c6 tim nim trén tryc hoanh,

BS: (C):(x —16) +y* =153.

. Pai hoc Thé Duc Thé Thao I nim 2001

Trong mit phang véi hé tryc toa dd Oxy, cho dudng tron (C) Xy —2x+4y+4=0.
Qua diém A (1; 0), hiy viét phurong trinh hai tiép tuyén voi duong tron da cho va tinh géc tao
boi hai tiép tuyén dé.

. DPai hoc Mé — Pia Chit khoi A nim 2001

Trong mat phang vai I}é truc toa do tryc chuan pxy, hiy viét phuong trinh dudng tron ngoai
tiép tam gidc ABC, biét phuong trinh duong thang AB : y — x — 2 = 0, phuong trinh dudng
thing BC : 5y — x + 2 = 0 va phuong trinh duong thing AC1a y +x —8 = 0.

DS: Nhanthdy AB L AC  Tam Ia trung diém BC = (C): (x —2) +y* = 26.

Pai hoc Qudc Gia Tp. H6 Chi Minh khdi A nim 2001

Trong mit phang véi hé toa dd Oxy, cho duong thing d : \/Ex +my +1-— \/5 = 0 vahai

duong tron: (Cl):x2 +y —2x+4y—4=0va (C?):X2 +y +4x -4y —56=0.

1/ Goi T1a tam dudng tron (C, ). Tim m sao cho d céit (C, ) tai hai diém phan biét A va B. Véi
gid tri ndo cta m thi dién tich AIAB 16n nhat va tinh gid tri 16n nhat d6.

2/ Chtng minh ring (Cl) tiép xic voi (Cz) . Viét phuong trinh tong qudt cta tat ca céc tiép

tuyén chung ctia (01) va (CQ).

bS: 1/ Vm e R, (SMAB) :%@m:—él. 2/ Tiép xtic trong va A : 3x — 4y —26 = 0.

Hoc Vién Ngan Hang Tp. H6 Chi Minh khéi D nim 2001
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Bai 420.

Bai 422.

Bai 424.

Trong mit phiang v6i hé truc toa d Descarter vudng géc Oxy, cho dudng tron ¢ phwong trinh

(C) : (X — a)2 + (y — b)2 = R?. Chirg minh rang tiép tuyén cua dudng tron tai diém (Xo;yo)

¢6 phuong trinh: (xo — a) (x - a) + (yo — b)(y — b) =R*.

HD: Goi E(a;b) latam, F(x;y,) € (C) va M(x;y) € tt = FM L EF & FMEF = 0.

Pai hoc Kién Triic Tp. Ho Chi Minh nim 2001

1/ cho dwomg tron ¢6 phong trinh (C): (x — a)2 +(y- lo)2 — R?. Chung minh ring tiép
tuyén cua dudng tron tai diém (Xo3 yo) ¢6 phuong trinh:

(xo —a)(x—a)%—(yo —b)(y—b) =R*.

2 2

2/ Chung minh rang tich cdc khoang tir mot diém bat ky ciia Hyperbol: X—2 i =1 dén cic
a
tiém can cua nd 1a mot hﬁng sb khong doi.
21.2
b
DS: 1/ Xem Hoc Vién Ngan Hang 2001. 2/ d(MO;Al).d(MO;AZ) = f o
a” +

. Duwbi 1-Pai hoc khdi A nim 2002

Trong mit phang véi hé toa @ Oxy, cho duong thang d : x —y + 1 = 0 va duong tron
(C) :x? 4+ y® 4+ 2x — 4y = 0. Tim toa d6 diém M thudc duong thang d ma qua d6 ta ké duge

hai dudng thang tiép xiic véi (C) tai A va B sao cho AMB = 60"

pS: M, (3;4), M, (—3;—2) :

Du bi 1 - Pai hoc khéi B nim 2002

Trong mit phang véi hé toa @ Oxy, cho hai dudng tron (Cl) X +y —4y—5=0 va
(CQ) :x* 4+ y> — 6x + 8y + 16 = 0. Viét phuong trinh tiép tuyén chung ctia hai dudng tron
(Cl) va (CZ).

bS: (AIZ):Zx+yiS\/g—2:O; <A3):y:—1; (A4):y:§X—3.

. Du bi 2 - Pai hoc khéi D niam 2002

Trong mit phang véi hé toa @ Oxy, cho hai dudng tron (01) X" +y*—10x =0 va

(Cz):x2 +y* +4x —2y —20=0.

1/ Viét phuong trinh duong tron di qua cic giao diém ctia (Cl ) , (C2> vi ¢6 tAm nam trén
duong thang d : x + 6y —6 = 0.

2/ Viét phuong trinh tiép tuyén chung cuia cdc dudng tron (01) , (CQ) .

ps: 1/ (x—12) +(y+1) =125. 9 x4+ Ty —5+252 = 0.

Pai hoc khoi D nim 2003
Trong mat phfmg voi hé toa do Pécac vudng géc Oxy, cho dudng tron

(C) : (x — 1)2 + (y — 2)2 — 4 va duong thang (d) :x —y — 1= 0. Viét phuong trinh dudng
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Bai 425.

Bai 428.

Bai 430.

tron (C ') dbi xtmg v6i dudng tron (C) qua dudng thang d. Tim toa do cic giao diém cua (C)
va (C').

bS: (C’) : (X — 3)2 +y° =4, A(l;()), B(3;2).

Du bi 1 - Pai hoc khéi B nim 2003

Trong mit phang véi hé toa dd Oxy, cho dudng thang d : x — 7y + 10 = 0. Viét phuong trinh
duong tron c6 tim thudce dudng thing A : 2x 4+ y = 0 va tiép xic v6i dudng thing d tai diém
A (4; 2) .

Bs: (C):(x—6) +(y +12) =200.

. Duw bi 1 - Pai hoc khdi A nim 2004

Trong mit phang toa 46 Oxy , cho diém A(— 1; 1) vaduong thang d : x —y + 1 — \/5 = 0. Viét
phuong trinh dudng tron di qua A, qua gdc toa do O va tiép xic voi dudng thang d.

bS: (C)ZX2+(Y—1)2 =1V (C):<X+1)2+y2 =1.

. Dai hoc khéi B niim 2005

Trong mit phang véi hé toa 4o Oxy, cho hai diém A (2; 0) ,B (6; 4) . Viét phuong trinh dudng tron

(C) tiép xtic véi truc hoanh tai diém A va khoang cach tir tim clia (C) dén diém B bang 5.

DS: (Cl):(X—Q)2 4—(}7—1)2 =1, <C2)2<X—2)2 +(y—7)2 =49.

Du bi 2 - Pai hoc khdi A nim 2005

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) cx” 4y —12x —4y + 36 = 0. Viét
phuong trinh duong tron (Cl) tiép xiic v6i hai truc toa do Ox, Oy ddng thoi tiép xic ngoai voi

duong tron (C) .

() 2 +(y—2 =1

(- f
) (x—18) +(y —18) =18.
)i(x— ) (y+6) =36

., Duw bi 1 - Pai hoc khéi B nim 2005

Trong mit phang véi hé toa dd Oxy, cho 2 dudng tron 1an luot c6 phuong trinh:
(C ) x4+ yP=9va (CQ) :x” +y® —2x — 2y — 23 = 0. Viét phuong trinh truc dang

phuong d cua 2 duong tron (Cl) va (CQ) . Chirng minh rang néu K thugc d thi khoang céch tir

1

K dén tdm cua (C ) nho hon khoang cdch tir K dén tim cua (CQ) .

1
PS: d:x+y+7=0.Xét OK* —IK* = -16 <0 OK < IK.
Dy bi 1 — Pai hoc khéi D nim 2005
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Bai 431.

Bai 434.

Bai 436.

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) ¢6 phuong trinh:
(C) :x? +y® —4x — 6y — 12 = 0. Tim toa d6 diém M thudc dudng thang d c6 phuong trinh:
2x —y + 3= 0 sao cho MI = 2R , trong d6 I la tam va R I bén kinh cia duong tron (C).

DS: M(—4;—5) Vv M[Q—;G—;]

Dur bi 2 — Dai hoc khéi D nim 2005

Trong mt phéng véi hé toa do Oxy, cho hai diém A (0;5), B(2;3). Viét phuong trinh duong
tron di qua hai diém A, B va c6 ban kinh R = 10.

Bs: (C):(x+1) +(y—2) =10 v (C):(x—3) +(y—6) =10.

. Dai hoc khoi B niim 2006

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) :x” 4y’ —2x — 6y 4+ 6 = 0 vadiém
M (—3; 1) . Goi T; va T, 1a céc tiép diém ciia cdc tiép tuyén ké tir M dén (C) . Viét phuong trinh
duong thang T T,.

BS: Chung t6 toa do (Xo5yo) cua T, T, thoa phuong trinh: 2x +y —3 = 0.

. Dai hoc khoi D nim 2006

Trong mit phang véi hé toa d6 Oxy, cho dudng tron (C) va duong thing d 1an luot ¢ phuong
trinh: (C):x2 +y'—2x—2y+1=0, d:x—y +3=0. Tim toa 46 diém M nam trén d sao
cho duong tron tim M, c6 ban kinh gap d6i ban kinh duong tron (C) , tiép xiic ngoai v6i duong
tron (C)

bS: M(1;4) Y M(—2;1).

Dy bi 1 - Pai hoc khdi D nim 2006

Trong mit phang véi hé toa dd Oxy, cho diém A (—1; 1) va duong thing

dix—y+1- \/5 — (. Viét phuong trinh dudng tron (C) di qua diém A, gbc toa d6 O va
tiép xuc voi duong thiang d.

bS: (Cl):x2 +y* =2y =0, ((32):X2 +y +2x=0.

. Dai hoc khoi A nim 2007

Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 A(O; 2),B (—2;—2) ,C (4;—2) . Goi

H 1a chan dudng cao ké tir B; M va N 14n luot 14 trung diém ciia cdc canh AB va BC. Viét
phuong trinh duong tron di qua cac diém H, M, N.

bS: H(l;l) va (C):x2 +y —x+y—-2=0.
Pai hoc khoi D niam 2007
Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) va duong thing d c6 phuong trinh:

(C):(x—lf—f—(y—i—2)2 =9 vad:3x—4y +m = 0. Tim m dé trén d c6 duy nhat mot diém
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Bai 437.

Bai 438.

Bai 439.

Bai 440.

Bai 441.

P ma tir d6 ¢6 thé ké duge hai tiép tuyén PA, PB t6i (C) (A, B la cdc tiép diém) sao cho tam
giac PAB déu.

bS: m=19 VvV m =—41.

Du bi 1 - Pai hoc khéi A nim 2007

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) :x” +y’ = 1. Duong tron (C ') tam
1(2; 2) cit (C) tai cac diém A, B sao cho AB = \/5 . Viét phuong trinh duong thang AB.

DS: Chiy AB L Ol Phuong trinh AB:y =—x=+1.

Du bi 1 — Pai hoc khdi B nim 2007

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) va duong thang d 1an lugt c6 phuong
trinh: (C) x4y —8x+6y+21=0,d:x+y—1=0.Xdc dinh toa do cdc dinh hinh
vudng ABCD ngoai tiép duong tron (C), biét A nam trén d.

BS: A(2-1),B(2-5),C(6;~5),D(6;-1) v A(6;—5),B(6;~1),C(2-1),D(2-5).

Du bi 2 - Pai hoc khéi B nim 2007

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) c6 phuong trinh

(C) :x? +y° —2x + 4y + 2 = 0. Viét phuong trinh dudng tron (C ') cé tam M(5; 1) va (C ‘)
ct (C) tai cdc diém A, B sao cho AB = \/g i

S (C):(x—5) +(y-1) =13 v (C):(x~5) +(y—1) =43.

Pai hoc Sai Gon khéi B nim 2007

Trong mit phang véi hé tryc toa dd Descarter vuong géc Oxy, cho diém A (2; 1) va hai duong
thang d:x—y—-1=0,d,:x-2y-6=0. Viét phuong trinh duong tron (C) tiép xic voi
d; tai A va c6 tam thude d,.

BS: (C):(x—4) +(y+1) =8.

Pai hoc khdi A nim 2009 (Chwong trinh ning cao)

Trong mit phang véi hé toa dd Oxy, cho dudng tron (C) X4y 4+ 4x+4y+6=0 va

duong thang A : x + my — 2m + 3 = 0, véi m 1a tham s6 thuc. Goi I 1 tim ctia dudng tron
(C). Tim m dé A cét (C) tai hai diém phan biét A, B sao cho di¢n tich ATAB 16n nhét.
8

PS: m=0V m=—.
15

. Dai hoc khéi B niim 2009 (Chwong trinh co ban)

Trong mit phang vdi hé toa d6 Oxy, cho dudng tron (C) : (x — 2)2 +y = % va hai duong

thang A ix—y=0, A, :x—T7y=0.Xdc dinh toa d tim K va tinh ban kinh ctia duong
tron (Cl); biét duong tron (Cl) tiép xtc voi cdc dudng thang A;, A, va taim K € (C)
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8.4],R:&,

ﬁ: K[_a_
5 95 5

Bii 443. Pai hoc khoi D nim 2009 (Chwong trinh ning cao)

Trong mit phang véi hé toa d6 Oxy, cho dudng tron (C) : (x — 1)2 +y* =1.Goillatam cta

(c) . X4c dinh toa do diém M thudc (c) sao cho IMO = 30"

3 3

o 2.8
2 2

Bii 444. Pai hoc khoi A nim 2010 (Chwong trinh co bén)

Trong mit phang toa 6 Oxy, cho hai dudng thang d, : \/gx +y=0vad,: \/gx —y=0.

Goi (T) la dudng tron tiép xuc voi d; tai A, cit d, tai hai diém B, C sao cho tam giac ABC

: . . 3 .
vuong tai B. Viét phuong trinh cua (T), biét tam gidc ABC c6 di¢n tich bang Y vadiem A

¢6 hoanh d¢ duong.
2

3 =1.

2

BS: (T): 2+[y+

1
X+ ﬁ
Bai 445. Pai hoc khéi D nim 2010 (Chwong trinh co ban)
Trong mit phang toa d¢ Oxy, cho tam gidc ABC c6 dinh A (3; —7), truc tam la H (3; —1), tim
duong tron ngoai tiép 1 1(—2;0). Xdc dinh toa d6 dinh C, biét C ¢6 hoanh do dwong.

pS: c(-zw/%; 3).

Bii 446, Pai hoc khdi A niim 2011 (Chwong trinh co ban)
Trong mit phing toa d6 Oxy, cho dudng thing A : x + y + 2 = 0 va dudng tron
(C): x* +y* — 4x =2y = 0. Goi I la tam ctia (C), M Ia diém thugc A. Qua M ké cdc tiép
tuyén MA va MB dén (C) (A va B Ia céc tiép diém). Tim toa do diém M, biét tir gidc MAIB c6
dién tich bang 10.
BS: M(2—4) Vv M(-3; 1) .

Bii 447. Pai hoc khéi B nim 2011 (Chwong trinh ning cao)

Trong mit phang toa 6 Oxy, cho tam gidc ABC c6 dinh B [% :1|. Puong tron ndi tiép tam

gide ABC tiép xiic v6i cc canh BC, CA, AB tuong tmg tai cdc diém D, E, F. Cho D(3;1) va
duong thang EF ¢ phuong trinh y — 3 = 0. Tim toa do dinh A, biét A c6 tung d6 duong.

bS: A[S;E] .
3

Bai 448, Pai hoc khéi D niim 2011 (Chwong trinh ning cao)
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Trong mit phang Oxy, cho diém A(l; 0) va duong trbn(C) x4y —2x +4y —5 = 0. Viét
phuong trinh dudng thang A cat (C) tai diém M va N sao cho AAMN vudng can tai A.
bS: Aty=1vVv A:y=-3.

. Dai hoc khoi B niim 2012

1/ Trong mit phang toa dd Oxy, cho dudng tron (Cl) x4y =4,

(CQ) :x? 4+ y> —12x + 8 = 0 va duong thing d : x —y — 4 = 0. Viét phuong trinh dudng
tron ¢6 tam thude (C, ), tiép xdc véi d va cét (C, ) tai hai diém phan biét A va B sao cho AB
vudng goc voi d.

2/ Trong mit phang hé truc toa dd Oxy, cho hinh thoi ABCD c6 AC = 2BD va dudng tron
tiép xvic véi cc canh cia hinh thoi ¢ phuong trinh x* 4+ y° = 4. Viét phuong trinh chinh
tic cua elip (E) di qua céc dinh A, B, C, D cua hinh thoi, biét A € Ox.

2 2

BS: 1/ (C):(x—3) +(y—3) =8. 2 (E):;—O+y€:1
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PAQk Gk ¢
@ Kién thic co ban
a/ Pinh nghia
Cho c¢d dinh véi vamotdo dai  khong doi . Tap hop cac
diém M sao cho duoc goi 1a mét elip.

Hai tiéu diém cua elip (E) .

Trong dé: Tiéu cu cua elip (E).

Bén kinh qua ti€u diém cua M.

b/ Phwong trinh chinh tfic, phwong trinh tham s0 clia elip
> Phuong trinh chinh tic: . Trong do:

< Toa dd céc tiéu diém:

& : Bén kinh qua tiéu diém bén trai.
: Bén kinh qua tiéu diém bén phai.
> Phuong trinh tham s6:

¢/ Hinh dang cua elip

» Elip nhén céc truc toa do lam céc truc doi xung va goc toa do lam tam doi xung.

» Toa d0 céac dinh:

A
> D0 dai cac truc: ) .
Truc 16n M b (B, N
Truc nhd i E
» Tam sai cua . ' '
Al‘ El F_2 IAQ y
—a | _('j O C' Ia Ld
> Hinh chit nhat co sé tao boi cac dudng thang . :
[ —_— ___
< Q —bB, P
d/ Duwong chuan cia elip

N . N 4 , e . N 2 N a .
» Phuong trinh cdc duong chuan A; Gng véi cac tiéu diem Fila: x £ — = 0.
e

. = MF. MEF,
> Véi M€ (E) tacé: |——~ =
L d(M,A )

— 2 _—¢| [e<1).
(I(M‘Az) e,(e }
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Phan hinh hoc

— Bu6c2. Chuyén MF, + MF, = 2a (1} thanh biéu thirc giai tich nho

ME! = (x5 +(r—5of ()
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Dang 1. MF, + MF, = 2a = Tép hop la elip ( E) ¢6 hai tiéu diém Fy, F,, truc 16n 2a.

2 2 ) ,
Dang2. — +2-=1(a > b)= Tap hop la elip (E) c6 d dai tryc lon 2a,
a 3 W ) ’
truc nho 2b.
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< ABCD la hinh chir nhat. )
<> Phuong trinh duong tron ngoai tiép hinh chir nhat ABCD la

duong tron (C) tam O ban kinh R = OA c6 phuong trinh

2 2{12 2 922 2 2
afal (b = b3) + b (a2 — )

(C) X +y =

22 2,2
azbl — a,11)2
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BAI TAP AP DUNG
TIM CAC THUQC TINH VA LAP PHUONG TRINH ELIP
BAi 450. V& dd thi cic elip (E) sau

X2 2 X2 2
1/ (E>:?+YZ:1' 2/ (E):£+%:1.

Bai 451. Cho elip (E) . Xdc dinh do dai céc truc, tiéu cu, toa do cdc tieu diém, toa do cdc dinh, tAm sai,

phuong trinh céc dudng chuan cia (E), voi (E) c6 phuong trinh

1/ (E):%erZ:l 2/ (E) f—6+%:1

2 2 : 2
3/ (E):X—5+%:1 4/ (E):XZ+YT:1
5/ (E): 16x* + 25y = 400 6/ (B):x’ +4y* =1
7/ (E):4X2+9y2: 8/ (E):9x2+25y2:
o (E):x*+4y° = 10/ (E): 6x* + 9x° = 54
11/ (E):9X2—|—16y2:144. 12/ (E):4X2—|—9y2:

Bai 452, Lap phuong trinh chinh tic cta elip (E), biét

1/ D6 dai truc 16n bang 6, tryc nho bang 4.

2/ C6 d6 dai truc nho va truc 16n 1an luot 12 8 va 6.

3/ Do dai tryc 16n bang 10, tiéu cy bang 6.

4/ Do dai truc 16n bang 8, do dai truc nho bang tiéu cu.

5/ Mot tieu diém F, (1; o) va d6 dai truc 16n bang 2.

6/ Tiéu cu bing 8 va di qua diém M (\/B : —1) .

7/ D6 dai truc nho bing 6 va di qua diém M (—2J3 : 2) .
8/ Mot tieu diém 1a F, (—2;0) va d¢ dai truc Ion bang 10.
ﬁ]

9/ Mot tiu diém Ia F, (—\/5;0) va di qua didm M{l;7 .

Ji.l]
=1,

10/ Di qua hai diém M (1;0), N| >

11/ Bi qua hai diém M(4;—\/§), N(2\E;3).

12/ Pi qua hai diém M (0;3), N[3;—%].
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Bai 455.

12/ Do dai truc 16n bang 10, tAm sai bang g .

N A iR T < n x4
13/ Mot tiéu di€m la F, (—8; 0) va tdm sai bang g .
14/ Do dai truc nhé bang 6, phuong trinh cdc duong chuan Ia X\/; +16=0.
15/ Mot dinh Ia A (—8;0) , tAm sai bang 3

4

. 2 50 o . Sy 2
16/ bi qua diém M 2;—5 va cO tdm sai bang 3
17/ C6 tiéu cy bang 4 va ti s do dai hai truc bang ?5
18/ Di qua diém M (8;12) va ¢6 ban kinh qua tiéu diém bén trdi ctia M bing 20.

19/ i qua diém M (3; 94/3 ) va c6 bén kinh qua tiéu didm bén tréi cia M bing 4v3 .

20/ C6 phuong trinh cdc canh hinh chit nhat co s¢ 1a x = £9, y = £3.

21/ Pi qua diem M va AMFF, vudng tai M.

i

22/ Hinh chir nhat co s& cia (E) c6 mot canh ndm trén duong thfmg x —2 =0 vacd dodai
duong chéo bang 6.

23/ Codinhla A, (—5; 0) va phuong trinh dudng tron ngoai tiép hinh chit nhat co s¢ c6 dang
la x* +y? =34.

24/ C6 dinh 1a B, (0;6) va phuong trinh duong tron ngoai tiép hinh chit nhat co s¢ c6 dang I
x* + y2 =61.

25/ C6 do dai truc 16n bing 442, cdc dinh trén truc nho va céc tiéu diém cua (E) cting ném
trén mot duong tron.

TIM PIEM TREN ELIP THOA PIEU KIEN CHO TRUOC

, Tim nhiing diém trén elip (E) )1(— y7 =1 ¢6 ban kinh qua tiéu diém bang g

6

. Tim nhitng diém M trén elip ( ) }2(— % =1 sao cho hiéu sb hai ban kinh qua tiéu diém

32
bing ==
g 5

2 2 ——

Cho elip (E) : }2(—5 + yz = 1. Tim nhiing diém M nim trén (E) sao cho s6 do F MF, la

1/ 90°. 2/ 120°. 3/ 30°.

—

. Choelip (E]: 4x* 4+ 9y* = 36. Tim nhitng diém M nam trén (E) sao cho s6 do F MF, 1a
p g 17

1/ 90°. 2/ 60°. 3/ 30°.
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Bai 457.

Cho elip (E) . Tim nhitng diém M € (E) nhin hai tiéu diém duéi 1 géc 30°, 45°, 60°, 120°.
1/ (E): 9% +25y° = 225.
2/ (B): 9x* +16y° = 144.
3/ (B): 7x° +16y” = 112.

2 2

. Choelip (E) e + Y — 1. Tim diém M nim trén (E) sao cho

100 36
1/ MF, = 4MF, .
2/ Nhin F; va F, duéi mdt géc vudng.

. Choelip (E) . Tim nhiing diém M € (E) sao cho

a/ MF = MEF,. b/ MEF, = 3MF,. ¢/ MF. = 4MF,.
1/ (E): 9% +25y° = 225.
2/ (B): 9x* +16y° =144,
3 (B): 7x° +16y° =112,

. Choelip (E):x” +9y* = 9.

I/ Tim M trén (E) sao cho MF, = 2MF,.
2/ Tim M trén (E) sao cho 3MF, = MF,.
1 6

b=
1 MFQ Fl F2

3/ Tim M trén (E) sao cho Ml

. Choelip (E) . Tim nhiing diém M € (E) nhin hai tiéu diém dudi mot géc vudng, véi

1/ (E): 9x° +25y° = 225.
2 (B): 9x* +16y° = 144.

3/ (B): 7x° +16y” = 112.

. Choelip (E) va duong thang d vudng géc véi truc 10 tai tiéu diém bén phai F, cit (E) tai hai

diém M, N.
a/ Tim toa do cdc diém M, N. b/ Tinh MF,, MF,, MN.
1/ (E): 9% +25y° =1. 2/ (E): 9x* +25y° = 225.
3 (B): 9x* +16y° =144, 4 (E): 7% +16y° =112,
. Tim trén duong thang d : x + 5 = 0 diém M céch déu tiéu diém trdi va dinh trén cua elip
(E): % + %2 =1.

2 2

. Choelip (E):>-+ =1

25 16
1/ Biét M € (E) sao cho MF, = 3. Tim MF, va tim toa 4 diém M.
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o]
=4
S
oN
oN

o
=
S
N
o

|we)
=Y
NS
N
—

Bai 473.

2/ Day cung AB thay ddi di qua tiéu diém F, nhung khong di qua tieu diém F, ciia (E).
Chting minh rang chu vi tam gidc ABF, khong doi.

2 2
. Choelip (E) : )2(—5 + % =1 va duong thang d : x — 2y + 12 = 0. Tim trén (E) diém M sao

cho khoéng cich tir diém M dén dudng thang d 1 16n nhat, nho nhat.

. Choelip (E): x” + 4y* = 25 va dudng thang d : 3x + 4y — 30 = 0. Tim trén (E) diém M

sao cho khoang céch tir diém M dén duong thing d 13 16n nhét, nho nhat.
2 2

. Choeelip (E): % + YT — 1 va dudng thing d : x — 2y + 2 = 0. Pudng thing d cit (B) tai

hai diém B, C. Tim toa d6 diém A trén (E) sao cho AABC c6 dién tich 16n nhat.
Cho elip (E): x + 2y* = 2 va duomg thing d : 3x — 2y — 3 = 0. Puomg thang d cét (E) tai
hai diém B, C. Tim toa d6 diém A trén (E) sao cho AABC c6 dién tich 16n nhat.

. Choelip (E): XZQ +y* =1 vadiém C(20).

1/ Tim diém M thudc elip (E) sao cho c6 ban kinh qua tiéu diém nay bing 7 1an ban kinh qua
tiéu diém kia.

2/ M nhinh hai tiéu diém dudi mot géc 60°,90° .

3/ Tim toa dd céc diém A, B trén (E) sao cho AABC la tam giac déu.

. Choelip (E) :13x* + 16y* = 208 . Tim toa d0 cdc diém A, B trén (E) sao cho AABF, 1a tam

giac déu.

2 2
. Cho elip (E) : X? + % = 1. Tim céc diém M thudc elip (E) sao cho

1/ C6 toa d nguyén thudc (E) .

2/ Cé6 téng hai tao d6 dat gid tri 16n nhat, nhé nhat.
2 2

. Cho elip (E):X——I—%:lVédubngthﬁngd:3x+4y—12:0.

16
1/ Chtng minh rang d lubn cét (E) tai hai diém phan biét A, B. Tinh d¢ dai doan AB.
2/ Tim toa d6 diém C € (E) sao cho

a/ AABC c6 dién tich bang 6.
b/ AABC c6 dién tich 16n nhat,
¢/ AABC vuong.

TIEP TUYEN - TUONG GIAO

2 2

Cho elip (E) : X—Q + y_Q = 1 va duong thiang A : Ax + By + C = 0. Chiing minh rang diéu
a b

kién can va du dé duong thang A tiép xiic véi elip (E) la a’A® + b°B* = C2.

X2

2
, Cho diém M(1;2) . Lap phuong trinh tiép tuyén cua elip (E) —+ % =1 diqua M.

2

. Cho diém M (3;—4) vaelip (E): %2 + Yy

4
1/ Ching minh rang qua M ké duoc 2 tiép tuyén dén (E) .
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Bai 479.

Bai 484.

. Cho hai elip (El):%2+y£:1 va (EQ):X—2+y—:1

2/ Xic dinh phuong trinh hai tiép tuyén va 1ap phuong trinh dudng thing di qua hai tiép diém
cua (E) v6i hai tiép tuyén trén.

. Choelip (E) :4x* 4+ 9y* = 36. Viét phuong trinh céc tiép tuyén cua (E) . Biét tiép tuyén

1/ Tiép xic véi (E) tai diém M(0;4).

2/ Piquadiém A(3;0).

3/ Diquadiém B(2;3).

4/ Song song v&i duong thang d, : x —2y +6 =0.

5/ Vudng géc voi duong thing d,:x—y=0.

6/ Tao voi duong thing d, : 2x —y = 0 mdt géc bing 60" .

2 2
X y

2
. Lap phuong trinh tiép tuyén chung cua hai elip (E1> : % + Y 1w (EQ) L =1.

4 4 9

. Viét phuong trinh chinh tic cta elip, biét rang elip (E) tiép xiic véi hai duong thang

d:x+y—-5=0vad,:x—4y—-10=0.
2 2

Cho elip (E): ’2‘—4 + % = 1. Xét hinh vudng ngoai tiép elip (E). Viét phuong trinh céc dudng

thang chira cac canh cta hinh vudng d6.

. Chiing minh ring tich khoang cach tir hai tiéu diém ciia elip dén mot tiép tuyén bat ky ciia elip

12 mot dai lugng khong doi.

. Choelip (E): X?: +y£ =1 vadiém M(L;1).

1/ Ching minh ring moi dudng thing di qua M luén cit elip (E) tai hai diém phan biét.

2/ Lap phuong trinh duong thing d di qua M va cit elip tai hai diém phan biét A, B sao cho
d0 dai doan MA = MB.

2 2
. Choelip (E) : }1<_6 + % — 1. Xét vi tri twong ddi cta elip (E) trong cic truong hop

1/ M(4;0). 2/ M(3;3).
. Xét vi trf tuong d6i ciia duong thang d va elip (E) , biét:
1/ d:2x+y—5=0va (E):XZQJF%QZL

[}

2
N X Yy
2/ d:2x—y=0val(E]:—+4+—=1.
y=0va(B): 5+
x* 2 2 YQ
Cho hai elip (El):I—f—y =1va (EQ):X —1—5 =1.
1/ Chling minh rdng (El) N (EQ) = {A, B,C, D} va ABCD la hinh chit nhat.
2/ Lap phuong trinh dudng tron ngoai tiép hinh chit nhat ABCD.
2
16 1
1/ Chling minh rdng (El) N (EQ) = {A, B,C, D} va ABCD la hinh chit nhat.
2/ Lap phuong trinh duong tron ngoai tiép hinh chit nhat ABCD.
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Bai 486.

Bai 489.

2 2
Cho elip (E) : X—2 + y_2 = 1. Mot géc vudng dinh O quay quanh O, ¢é 2 canh cit (E) 1an luot
a b
tai A va B.

1/ Chtng minh rang 1 + L khong dbi.
OA®> OB® 7 ,
2/ Tinh khoang cach tir O dén dudng thang AB. Suy ra duong thang AB ludn ti€p xdc voi
mot duong tron (C) c6 dinh. Tim phuong trinh ciia (C) .

TINH CHAT VA MOQT SO DANG TOAN KHAC

. Tinh d¢ dai day cung cua elip (E) di qua mot tiéu diém va vudng géc voi Ox trong cic trudng

hop sau

2 2 2 2
1/ (E):%+YZ:1. 2/ (E):§—5+%:4
3/ (E):9x° +25y° = 225. 4/ (E):§+%_

. Trong mat phang Oxy, goi M la diém bat ky trén elip (E) . Tim gi4 tri 16n nhat va gi4 tri nho

nhit cia OM trong céc trudng hop sau

2 2
X Yy 2 2
1/ (B):=+<-=1. 2/ (E):x?+4y* =4.
3/ (E):9x" 4 16y” = 144. 4 (E):8x" +16y° = 32.
Tim gid tri 16n nhat va gia tri nho nhét ciia cdc biéu thirc sau
2 2
1/ A=x+2y bidt — 4+ —1.
25 4

2
2/ B=§+3y biétxz+y2:1.

. Choeelip (E): 9x” + 25y = 225.

1/ Tim toa d tiéu diém, tim sai va 46 dai céc truc cia (E).

2/ Pudng thing d qua tiéu diém F,, vudng géc véi Ox va cit (E) tai hai diém M, N. Tinh do
dai doan thang MN.

3/ Lay P, Q thudc elip (E) sao cho PF, + QF, = 6. Tinh tong S = QF, + PF,.

4/ Cho R € (E) tinh gid tri ctia biéu thic W = RF,.RF, + OR”.

. Tim tam sai cua (E) trong cic trudng hop sau:

1/ M(§i dinh trén tryc nho nhin hai tiéu diém dudi mot géc vudng.

2/ Moi ti€u di€m nhin truc nhé dudi mdt géc vudng.

3/ MBOi tiéu diém nhin tryc nho dudi mot gée 60°.

4/ Do dai tryc 16n bang k 1an @ dai truc nho (k > 1).

5/ Khoang cich tir mot dinh trén truc lon dén mét dinh trén truc nhéd bﬁng tiéu cu.
2 2

, Choelip (E): = +2 =1.Goi F,, F,1a 2 tiéu diém, A, A, 12 2 dinh trén truc 16n, M Ia 1
a’ b’

diém tuy § thuoe (E) va P Ia hinh chiéu cia M trén truc 16m,
1/ Ching minh: b <OM < a.
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Bai 498.

2/ Chimg minh: MF MF, + OM® = a® + b
, . 2 2 12
3/ Chimg minh: (MF, — MF, ) = 4(OM® - b?).

MP? b

4/ Chung minh: —— = —.
APAP 52

. Choelip (E): 9x* +16y” = 144.

I/ Tim tam sai cita (E).

2/ Goi M Ia diém di dong trén (E). Chimg minh OM® -+ MF, MF, 1a mot hang s6.
3/ Tim diém N € (E) sao cho ANFF, vudng tai N.

4/ Cho A,B la hai diém ndm trén (E) v6i AF, + BF, = 8. Tinh AF, + BF,.

QUY TiCH - TAP HQP PIEM

. Tim tap hop nhiing diém M (x; y) trong mit phang toa d9 sao cho: x = 4sint, y = 3cost.

. Cho diém A (3cost:0) va B(0;sint). Tim tap hop diém M (x;y) sao cho 2AM + 5MB = 0

khi t thay doi.

. Cho duong tron (C): (C) :x? +y° —6x —55 =0 vadiém F (—3; 0):

1/ Tim tap hop cédc tam M cua duong tron (C ') di dong ludn di qua F; va tiép xiic véi (C) .
2/ Viét phuong trinh cua tap hop trén.

. Cho hai duong tron (C)ZX2 +y? +4x—32=0va (C'):X2 +y? —4x =0:

1/ Chimg minh (C) va (C') tiép xiic nhau.
2/ Tim tap hop cac tdim M cua dudng tron (T) di dong va tiép xic véi hai duong tron trén.
3/ Viét phuong trinh cua tip hop do.

Tim tap hop céc diém M c6 ti s6 cic khoang cich tir d6 dén diém F va dén duong thiang A
bang e, véi:

1/ F(3;0),A;x—12:0,e:1. 2/ F(Z;O),A:X—SzO,ezl.
2 2

3/ F(—4;0),A:4x+25:0,e:§. 4/ F(3;0),A:3x—25:0,e:§.

. Cho hai diém A, B lan luot chay trén hai tryc Ox va Oy sao cho AB =12.

1/ Tim tap hop céc trung diém I ctia doan AB.

2/ Tim tap hop cc diém N chia doan AB theo ti s6 k = —% .

. Choelip (E) di dong c6 tam la gbc toa o va d6 dai truc 16n bang 16. Biét réng (E) luon di

qua diém M (4; 0) . Chiing minh rang hai tiéu diém F, va F, ciia (E) Iudn di dong trén mot elip

¢0 dinh.

. Cho diém A di dong trén truc hoanh va diém B di dong trén truc tung sao cho d¢ dai doan

thang AB ludn bang a khong ddi. Tim tap hop cic diém M thudc doan AB sao cho
MB = 2MA..

. Cho hai diém A va B c6 dinh. Xdc dinh hinh thang ABCD c6 ddy 16n AB sao cho

AD+BC=AB va CD = % . Tim tap hop trung diém M ctia doan CD.
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Bai 503.

Bai 504.

Bai 506.

2 2

Tim giao diém ctia hai elip (E1> : % + % =1va (Ez) : x* 4+ 4y = 4. Céc giao diém nay c6
cling ndm trén mot dudng tron hay khong ? Néu c6 thi viét phurong trinh duong tron d6 ?

Cho hai elip (E1) 4x* +9y° =36 va (E2) : x? 416y = 16. Hay viét phuong trinh dudng

tron di qua cdc giao diém cia (El) va (EQ)

BAI TAP QUA CAC KI THI

. Cao dang Kinh Té P6i Ngoai nim 1997

Cho elip (E): 4x” + y* = 36.

1/ Tinh d6 dai truc 16n, truc nho, toa do cdc tiéu diém va phuong trinh cdc dudng chuan.

2/ Lap phuong trinh tiép tuyén voi (E) song song v&i duong phén gidc géc phan tu thi I1.

3/ Lap phuong trinh parabol c6 dinh tring v&i gdc toa dd va c6 tieu diém la tiéu diém phia trén

cua elip (E) .

2
ps: 1/ Fu(O;iS\/g), y=24V3. 2 x+y+3l5=0. 3 (P):y:X?f.

Cao ding Sw Pham K¢ Thuét Vinh nim 2001
Trong mit phang toa &6 Oxy, cho hai duong elip c6 phuong trinh lan luot 1a
X2 2

2 2
(El):%+%:1va(E2):?+y§:1.

1/ Viét phuong tinh ctia duong tron di qua giao diém cua hai elip.
2/ Viét phuong trinh cta cdc tiép tuyén chung cta hai elip.

12
bS: 1/ X2—|—y2:€. 2/x+y:t\/g:O\/X—y:t\/g:0.

. Cao ding Sw Pham Thé Duc TWII nim 2002

Trong mit phang toa d6 Oxy, cho elip (E) c6 hai tidu diém Ia F, (—\/g; 0), F, (\/g, 0), mot

duong chuan c6 phuong trinh x = 4 .

NG

1/ Viét phuong trinh chinh tic cua elip (E) .
2/ Goi M € (E). Tinh gid tri cia biéu thic P = FM? + F,M* — 30M* — FM.F,M.

3/ Viét phuong trinh duong thang d song song vai truc hoanh va cit (E) tai hai diém A, B sao
cho OA 1L OB.

. Cao dang Co Khi Luyén Kim nim 2004

2 2

Viét phuong trinh tiép tuyén A cia elip (E) : % + % = 1, biét ring A song song voi duong

thang d :x +2y —2=0.
bS: A, :x+2y+8=0.

Bii 509. Cao ding Kinh T¢é Ky Thuat Céng Nghiép IT nim 2004
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Trong mit phang véi hé tryc toa dd Oxy, cho hai diém A (4; —\/g), B (2\/5; 3).

1/ Viét phuong trinh chinh tic elip di qua hai diém A va B.
2/ Xdc dinh tiéu diém, tiéu cy, tAm sai cta elip trén.

2 2
ps: 1/ (E): S 4L —1. 2 F(—\/E;o), F (\/3;0), 92c =05, e = L.
20 15 ! ? 2

. Cao dang Hoéa Chit nim 2004

2
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho elip <E) : % +y°=1.

1/ Xac dinh tim sai cua (E) .

2/ Qua diém M(1;1) ke cc tiép tuyén MT, MT' véi T, T' la céc tiép diém véi (E). Hay
xdc dinh toado T, T'.

4

ps: 1/ ezﬁzﬁ. 2/ T(051), T 9.41

a 3 55

. Cao ding Sw Pham Binh Phuéc nim 2004

2 2

2 2
Viét phuong trinh tiép tuyén chung ctia hai elip: XZ + Y —1va x? + YZ =1.

5
DS: Cébontiéptuyén: x +y+£3=0 V x—y+£3=0.

. Cao ding Su Pham Tp. H6 Chi Minh nim 2005

2 2

Trong mit phang véi hé truc toa d6 Oxy, cho elip (E) : ;—5 + i,_6 = 1. Ching minh tich céc

khoang cdch tir c4c tiéu diém cua elip (E) dén mot tiép tuyén bat ki ciia né 1a mot hing sb.

. Cao dang Sw Pham Quing Nam nim 2005

Trong mit phang véi hé truc toa do Pécac vudng géc Oxy, cho duong tron (C) Xty =1
2

va elip (E) (x4 YZ = 1. Viét phuong trinh cdc tiép tuyén chung ctia (C) va (E)

. Cao ding Kinh Té Ké Hoach Pa Ning nim 2005

2

Cho elip (E) : XZ +y° = 1. Viét phuong trinh tiép tuyén ctia (E) song song v&i dudng thang

d c6 phuong trinh x + 2y — \/g =0.

. Cao diang Ban Cong Hoa Sen khdi D nim 2006

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, viét phwong trinh céc tiép tuyén
2 2
, . X y ALY A £ .
cuaelip (E): — 4= =1, biét rang tiép tuyén di qua A (4;—3).
p(B): =4 Y 2 tép i i qua A (143)

bS: x—-4=0V y+3=0.

. Cao ding Sw Pham Ha Nam khdi A nim 2006
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Trong mat phfmg véi hé truc toa d§ Descarter vudng géc Oxy, cho elip (E) E + % =1.

Viét phuong trinh duong thing di qua diém M (0; 3\/5 ) va tiép xtc voi elip (E) .

PS: 3x + 22y T 646 = 0.
Bii 517. Cao ding Sw Pham Ha Nam khéi M niam 2006

2
Trong mit phang véi hé truc toa d6 Descarter vudng géc Oxy, cho elip (E) : + yz =1.

X
9
1/ Xéc dinh tiéu cu, tm sai, tiéu diém, dudng chuan cia elip (E) .

2/ Lap phuong trinh tiép tuyén cia (E) , biét tiép tuyén di qua diém M (4; 1).
A N . \/g ia 4iR \/_ \ x
DS: 1/ Tiéucy 2¢ = 245, tAim sai e = ?, tiu diém F , {£V5;0], duong chuan x =

4++37 4737
7 st

st

2/ C6 hai phuong trinh tiép tuyén: A,iy=

Bii 518. Cao dang Sw Pham Tra Vinh khéi A, B nim 2006

2 2
Trong mit phang véi hé truc toa d6 Oxy, cho elip (E) : % + yz = 1. Viét phuong trinh tiép

tuyén voi (E) biét tiép tuyén di qua diém M(6;0). Tim toa do tiép diém.

3\/_ \/—

BS: d,:x+—="y—6=0. A
Bii 519. Cao ding Nguyén Téit Thanh khéi A, D nim 2007

Trong mit phang véi hé truc toa d6 Oxy, cho elip (E) 14x* 4+ 9y* = 36.
1/ Tim toa d¢ cdc tidu diém ctia (E).

2/ Tim diém M trén (E) nhin cdc tidu diém cia (E) dudi mot géc vudng.

;4
155

BS: U/ F,,(#5:0]. 2/ Cobén diém: M,

]

Bai 520. Pai hoc Bich Khoa — Tong Hop niim 1980

1/ Viét phuong trinh chinh tic ctia Ellipse (E) cé titu cu 2¢c = &8, tdm sai e = — va cic tiéu

(S AT

diém nam trén truc hoanh.
2/ Viét phuong trinh cdc tiép tuyén véi Ellipse (E) xuét phat tir diém A [0; f—;]

3/ Tinh dién tich hinh phang gi6i han boi Ellipse va cic tiép tuyén nén trén.
2 2

. XY . _ _
ps: 1/ (E).2—5+5_1. 2 d,:9x£20yF75=0. 3/ S =15x(dvdt).

Bai 521. Pai hoc Biach Khoa Tp. Ho Chi Minh niim 1988 — Y Dwgc Tp. Ho Chi Minh niim 1991
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2 2
: X y < 4R . .
Cho Ellipse (E) : ? +§ =1 (a >0, b> 0) va diém M(xo,yo) € (E) voi —a <x_ <a.
Tiép tuyén tai M cit hai tiép tuyén tai A (—a; 0) va A' (a; 0) lan luot tai Tva T'.
1/ Ching minh r@ing tichsd P = AT.AT' khong phu thudc vao vi tri cua diém M.
2/ Tim céc diém M sao cho tir gidc ATT'A’ ¢6 dién tich nho nhat va tinh dién tich nho nhat d6.
3/ Goi N(x;y) la giao diém ciia AT' va A'T. Tim quy tich cdc giao diém N khi M chay trén
Ellipse (E)

2 2

PS: I/ P=D. 2/ S =2b M=B(0;-b)=B'(0;b). 3 (B): 5+ =1
"0
2

Bii 522. Pai hoc Biach Khoa—Kinh Té-Téng Hop-Sw Pham—Nong Nghiép—Y-Nha-Dwoc 1983

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho Ellipse (Em> c6 phuong

2
X . N Ao
trinh (Em):y2 =2x —— voimlathamsova 0 <m < 1.
m

1/ Bang phép tinh tién truc tung, hiy dua phuong trinh trén vé dang chinh tic. Tir d6 suy ra toa
dd cua tam va cdc dinh trén elip. Tim quy tich cia cdc dinh ay.

2/ Tim toa do céc tiéu diém cia (Em) va xéc dinh quy tich cdc tiéu diém khi m thay doi

(0<m<1).

2
(X_jn) + \/iz =1 (Em)3£+ Y =1 (Em> c6 tm I(m;()),
")

2 2
" ()
binh trén tryc 16n: A, (m; \/;), A

o

Parabol (P) 'y =x, (0 <x < 1).

bS: 1/ (E,):

. Quy tich cdc dinh A ;A 1a mét

1

2/ Tiéu diém F (m;\/m —m’ ) Quy tich 1a dudng tron (c) : [x -5

tAm H[l;o], bén kinh R = -, bo di hai diém 0(0;0), G(0;1).
2 2

Bii 523. Pai hoc Su Pham Tp. H6 Chi Minh nim 1993
Chung minh dudng thing d : Ax + By + C = 0, tiép xiic

2 2
(B): 5 +5 =16 a%A% + B = C2.
a~ b

TH,:B=0 PTHDGD:(a’A’ + b'B’)x* + 2°ACx +a(C’ = b’B’) = 0: A =0
TH,:B=0 PTTDGD:a’A’y’ =a’’A> —b’C’:T/x & a’b’A> —b'C° =0

Bii 524. Pai hoc Kién Triic nim 1994
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Bai 525.

Bai 526.

Bai 527.

Bai 528.

Bai 529.

2 2

Cho Ellipse c6 phuong trinh (E) : % + % = 1. Xét mot hinh vudng ngoai tiép Ellipse (tirc 1a

céc canh cua hinh vudng déu tiép xiic v6i Ellipse. Viét phuong trinh cdc duong thang chira cic

canh ctia hinh vudng dé.

bS: x+y+3=0x—-y+3=0,x4+y—-3=0,x—y—3=0.

Pai hoc Xay Dung nam 1996

Trong mit phang véi hé truc toa dd Descarters vudng géc Oxy, cho Ellipse

2 2
Y

(E).§+§—L (a>b>0).

1/ Goi E 1a diém tuy ¥ trén Ellipse, ching t6 raing b < OE < a.

2/ Goi A, B 1a hai diém thugc Ellipse sao cho OA vudng géc voi OB.’ Hay xac dinh vi tri cfla
A, B trén Ellipse dé tam giac OAB c6 dién tich 16n nhat va nho nhat. Tinh gid tri 16n nhat va
gia tri nho nhat do.

DS: 1/ Chung minh theo 2 cach.

2 (Spons), = % & A,B I cic dinh cia (E).
h? ab ab ab ab
S = a— A , ; B — 7_ .
( AOAB)min a2 + b2 < \/az + bz \/&2 —l—b2 \/aZ —l—b2 \/&2 + b2

Pai hoc Ngoai Thwong khéi D nim 1997

2
Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho Ellipse (E) : % + yz =1

va duong thang d : x — \/Ey + 2 = 0. Puong thang d ct Ellipse tai hai diém B va C. Tim toa
d6 diém A trén Ellipse sao cho AABC c6 dién tich 16n nhat.

bS: A(Z;—\/g).

Hoc Vién Quan Hé Quéc T¢ nim 1997

Cho Ellipse (E): XZ? +y* =1 vadiém A(-2;0). Gid sit M Ia diém di dong trén Ellipse. Goi
H 12 hinh chiéu vudng géc ctia M trén truc Oy. Gia st AH cat OM tai P. Chiing minh rang khi
M thay d6i trén Ellipse thi P ludn ludn chay trén mot dudng cong (C) b dinh. V& d thi duong
cong (C)

DS: P chay trén Parabol (P) :y? = x 41 b6 qua diém (—1; 0) .

Pai hoc Qudc Gia Tp. Ho Chi Minh nim 1997

Cho phuong trinh (E) :4x* + 9y’ = 36 vadiém M(l; 1) . Lap phuong trinh duong thang qua
M va cit (E) tai M; va M, sao cho MM1 = MM2 .

bS: 4x+9y—-13=0.

Pai hoc M6 Ha Noi khoi D nam 1997

2 2 2

Cho hai Ellipse (E1) : % + y? =1va (E2) : XZ +y* = 1. Viét phuong trinh duong tron di

qua giao diém cua hai Ellipse.
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Bai 530.

DS: Khong c6 dudng tron thoa yéu cau bai todn do hé vo nghiém.

Hoc Vién Buu Chinh Vién Thong nim 1999

Cho Ellipse (E) : X—z —I—i—z =1 véi tiéu diém F (—c; 0) . Tim diém M trén Ellipse (E) sao cho
do dai FM nho nhé?t.

BS: FM,, « A =M(-a;0)€(E).

. Dai hoc Nong Nghiép I khoi A nim 2000

2 2
Cho Ellipse (E) : % + yz — 1. Hay viét phuong trinh dudng tron di qua cic giao diém ciia

2
Ellipse da cho véi Ellipse (E ') : T_G +y* =1.

_»2
11°

bS: (C) xP 4y

. DPai hoc Nong Nghiép I khoi B nim 2000

2 2

1/ Cho elip ) + YZ = 1. Hay chting minh rang tich cic khoang cich tir cic tiéu diém ctia elip
dén mot tiép tuyén bat ky ciia né 1a mot hang sb.
2/ Hay viét phuong trinh dudng tron di qua cdc giao diém cia elip da cho véi elip

2
X 2
—+vy =1.
16 Y

bS: d[Fl,(d)}.d[F ;(d)} =4 = const véi d: % + % = 1 1a tiép tuyén bat ki tai (xo;yo).

2

. Dai hoc Thai Nguyén khdi A, B dot 1 nim 2000

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho elip (E) : % + % =1

1/ Tim mdi lién hé gitra k va m dé duong thang d : y = kx + m, (k € R) tiép xtdc voi (E) .

2/ Khi d Ia tiép tuyén ctia (E), goi giao diém ciia d véi cdc dudng thing x =5 va x = —5 T
M va N. Tinh dién tich AFMN theo k, trong d6 F 1a tiéu diém cua (E) c6 hoanh d6 duong.

3/ Xdac dinh k dé tam gidc FMN c6 dién tich bé nhat.

bS: 1/ A'=0 & m’ —25k* = 16.

B.C.S 3

2/3/szl‘ﬁHﬁ\f‘:1\/4+(m+5k)2\/64+(m—5k) > 16 k=4
2 2 5

. Hoc Vién Ngan Hang Tp. Ho Chi Minh nim 2001

2 2

1/ Néu elip (E) : % + % = 1 nhan cdc duong thang 3x — 2y —20 = 0 va x + 6y = 20 lam

tiép tuyén. Hay tinh a’ va b’.
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2 2

2/ Cho elip (E) : % + % — 1. Hay tim mdi lién hé gitta a,b,k,m dé (E) tiép xidc véi duong
thing d: y = kx +m, (k € R).
PS: a® =40, b* =10, k’a’ +b> =m’.
Bii 535. Pai hoc Ngoai Thwong khéi A nim 2001

2 2
Cho ho duong cong (Cm) c6 phuong trinh X_2 + 2)’

= 1, trong d6 m 12 tham s6 va
m m- — 25

m=0m=35.

1/ Thy theo gid tri cia m, hay xdc dinh khi nao thi (C,, ) Ia elip va khi nao thi (C, ) Ta
hyperbol.
2/ Gia st A 1a mot diém tiy ¥ trén dudng thang x = 1 va A khong thudc truc hoanh. Ching

minh rang v6i mdi diém A ludn ludn c6 bon dudng cong ciia ho (Cm) di qua A. Héi trong

s6 bdn duong cong (C ) d6, ¢6 bao nhiéu elip va bao nhiéu hyperbol ?

m

(C,)=Elip & m* —25> 0 < |m| > 5 , 2 : Ellipse
DS: 1/ , . 2/ Ung A(l;a) 6 .
(Cm) = Hyperbol & m” —25 <0 < |m| <5 2 : Hyperbol
Bai 536. Pai hoc Y Dugc Tp. Hd Chi Minh nim 2001
2 2
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho elip (E) : Y + YZ =1va

hai duomg thing (D) : ax — by = 0 va (D) : bx + ay = 0 véi a® + b” > 0. Goi M, N Ia cdic
giao diém cua (D) voi (E) va P, Q la cdc giao diém cia (D') va (E)
1/ Tinh dién tich tir gidc MNPQ theo a va b.
2/ Tim diéu kién d6i véi a, b dé dién tich tir giac MPNQ nho nhat.
72(a” + 1)
BS: 1/ S g = . 2/ (8
\/(932 +4b7)(9b + 4a)

Bii 537. Pai hoc khéi D niim 2002

MPNQ)min o 13

2 2
Trong mit phang véi hé toa dd Oxy, cho elip (E) : i{_6 + YE = 1. Xét diém M chuyén dong
trén tia Ox va diém N chuyén dong trén tia Oy sao cho dudng thang MN ludn tiép xic véi (E) .
Xiéc dinh toa d6 cia M, N dé doan MN c6 d6 dai nho nhat. Tinh gié tri nho nhét.

pS: M(zﬁ;o), N(o;\/i), MN =7,

min

Bii 538. Dur bi 1 - Pai hoc khéi D nim 2002

2 2
Trong mit phang véi hé toa @ Oxy, cho elip (E) : % + YZ =1 va duong thang
d mx—y—-1=0.

1/ Chirng minh rang véi moi gia tri ciia m, duong thang d, ludn cit elip (E) tai hai diém phan
biét.

Page - 194 - "All the flower of tomorrow are in the seeks of today...... "




Pé cuong hoc tap mdén Todn 10 — Tap II Ths. L& Van Poan

2/ Viét phuong trinh tiép tuyén cua (E), biét tiép tuyén d6 di qua diém N (1; —3) .
bS: 2/ bx—4y—-17=0;x+2y+5=0.

. Du bi 2 - Pai hoc khéi B nim 2003

2
Trong mat phfmg voi hé toa do Oxy, cho elip (E) : XZ + YT =1 va cdc diém

M (~2;3),N(5;n). Viét phuong trinh cdc dudng thing di, d> qua M va tiép xic véi (E). Tim

n dé trong s6 céc tiép tuyén cua (E) di qua N c¢6 mot tiép tuyén song song voi d; hodc d,.

BbS: d :x=-2%4d,:2x+3y—-5=0,n=-5.

. Du bi 2 - Pai hoc khéi B nim 2004

2 2
Trong mit phang véi hé toa dd Oxy, cho elip (E) : % + yz = 1. Viét phuong trinh céc tiép

tuyén ciia (E) song song v6i duong thang d : x + \/Ey —-1=0.

. Dai hoc khéi D nim 2005

2 2
Trong mit phing véi hé toa 6 Oxy, cho diém C (2; 0) va elip (E) : XZ + yT = 1. Tim toa d0 cac

diém A, B thudc (E) , biét rang hai diém A, B d6i xng v6i nhau qua tryc hoanh va tam gidgc ABC
1a tam gidc déu.

b, A[Z;ﬁ
7T 7

et

?7

2 4] yf2 0]

] hodc A[—;—— :
7 7 T

. Duw bi 1 - Pai hoc khdi B nim 2005

2 2

Trong mit phang véi hé toa d6 Oxy, cho elip (E) : 2—4 + % = 1. Viét phuong trinh tiép tuyén
d cua (E) biét d cit hai hai truc toa d6 Ox, Oy lan luot tai A, B sao cho AO = 2BO.
DS: Bén tiép tuyén thoa yéu ciu bi todn: x +2y £10=0, x —2y £10=0.

. Du bi 2 - Pai hoc khdi D nam 2006

Trong mit phang véi hé toa do Oxy, lap phwong trinh chinh tic cua elip (E) c6 do dai truc 1on

bang 4\/5 , cdc dinh trén truc nho va cdc tiéu diém cua (E) cung nam trén mot dudng tron.

DS: (E):%QJFYZ?:L

. Dai hoc khéi A nim 2008

Trong mit phang véi hé toa dd Oxy, viét phuong trinh chinh tic cia elip (E) biét rang (E) co
tAm sai bang ?5 va hinh chit nhat co sé cua (E) ¢6 chu vi bang 20.

bS: (E):%Q—l—y{:l.
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Bii 545. Pai hoc khoi B nim 2010 (Chwong trinh ning cao)

2 2
Trong mit phang toa dd Oxy, cho diém A (2;\/5) va elip (E) : % + y? =1.GoiF,vaF,la
cdc tieu diém cua (E) (F; ¢6 hoanh d§ am); M la giao diém c6 tung d6 duong ctia duong thfmg

AF; voi (E), N 1a diém ddi xtng cia F, qua M. Viét phuong trinh duong tron ngoai tiép tam
gidc ABF,.

5 .
Bii 546. Pai hoc khdi A nim 2011 (Chwong trinh ning cao)

bS: (X—1)2+ y

2 2

Trong mat phéng toa do Oxy, cho elip (E) : XZ + yT =1. Tim toa do céc diém A va B thudc

(E), ¢6 hoanh d§ duong sao cho tam gidc OAB cén tai O va c6 dién tich 16n nhét.

BS: 1/ M(2-4)v M(-31). 2/ A ﬁ;g B ﬁ;—g VA ﬁ;—g B ﬁg]

Bii 547. Pai hoc khdi A nim 2012 (Chwong trinh ning cao)

Trong mit phang toa d6 Oxy, cho duong tron (C) : x> + y* = 8. Viét phuong trinh chinh tic
ctia elip (E), biét ring (E) c6 do dai truc 16n bang 8 va (E) ct (C) tai bon diém tao thanh
bén dinh cia hinh vudng.

bS: (E):X—2+3—yZ:1
16 16
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@ Kién thirc co bian
a/ Dinh nghia

b/ Phuwong trinh chinh tic va tham s ciia Hyperbol

— Phuong trinh chinh tic ciia Hyperbol voi

+ Toa dd cac tiéu di€ém:

+ Véi va 1a céc ban kinh qua tiéu diém M thi

— Phuong trinh tham sé dang luong giac:

¢/ Hinh dang cua hypebol

— nhan céc tryc toa d6 lam cdc truc ddi ximg
va goc toa do O lam tdm doi xung.
— Toa d6 cac dinh:

— Cho cd dinh véi . Tap hop diém M sao cho
v6i a 1a mot s6 khong doi va duoc goi 1a mot Hyperbol
— Vay . Trong do:
+ Hai diém goi 12 hai tiéu diém cua Hyperbol.
+ Khoang cach goi la tiéu cw ciia Hyperbol.
+ Trung diém I cua goi 1a tdm cua Hyperbol.
+ Véi diém thi cac khoang cach va goi l1a cac ban kinh qua tiéu cua
diém M.

. Trong dé:

— D06 dai cac truc: truc thuc: truc ao:

o () C o
— Téam sai cta (H) te=—, (e> 1).
— Hinh chit nhat co sd: tao bdi cac duong thang: x = +a, vy = +b.

N . \ A b
— Phuong trinh c4dc duong tiém can: y = £ —x.
a

"Can cu bu thong minh............
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¢/ Dang toan 3. Vi tri twong dbi dwong thang va Hyperbol ( H) .

Bang cach xét hé phuong trinh tao boi (H) va duong thang (d) Khi d6, sd

nghiém ctia phuong trinh bang sb giao diém cta ( d) va (H) .
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, 2 2 i
— Phuong trinh tiép tuyén ciia Hyperbol (H) : }12 — y2 =1 tai diém
‘ a b
, . . XX vy '
M(x_;y,) € (H) la d:|—< — == = 1| (phuong phap phan di toa o).
' a b
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TIM CAC THUQC TiNH VA LAP PHUONG TRINH HYPERBOL (H)

Bai 548.

Bai 550.

V& d0 thi cdc hypebol (H) sau

2 2 2 2
1/ (H):%—YZZL 2/ (H):%—%:l.
3/ (H):25x" — 16y” = 400. 4 (H):x" —4y* =1.

. Xac dinh cac toa do tiéu diém, cac dinh, d0 dai truc thuc, d0 dai truc ao, tiéu cu, tdm sai va viét

phuong trinh cac duong tiém can cua hypebol (H) .

2 2 2 2

XY Y
1/ (H).16 9_1. 2/ (H).16 =L
3/ (H):4X2—y2:4. 4/ (H):Xz—yzzl.
5/ (H):25% —16y° = 400. 6/ (H):16x> —9y” =16.
7/ (H): 9x* —16y” = 144. 8 (H):mx’ —ny’ =mn, (m,n>0).
9/ (H):%—%:L 10/ (H):4X2—9y2:5.
11/ (H):X2—4y2:1. 12/ (H):9X2—25y2:1.
Lap phuong trinh chinh tac va tham sd cua hypebol (H) . Biét réng

1/ Do dai tryc thyc bing 10, truc éo bing 6.
2/ Do dai tryc thuc bang 8§, ti€u cy bang 10.
3/ C6mottieu diém F, (5;0) vadinh A (—4;0).
4/ Do dai truc thuc bﬁng 48, tim sai béng 1—2 .
A < 5 - A . - 5
5/ Do dai truc 4o bang 6, tdm sai bang 1

6/ C6dinh A, (2;0) va tm sai ¢ = g

7/ C6 d6 dai truc thyc bang 8 va tim sai e = %

8/ Do dai truc 4o bang 12, tim sai bang % .
A 4R A . 3

9/ Tiéudiém F, (—6; 0) va tam sai e = 5
in 3 < on . 4

10/ Co tiéu cu bang 16 va tam sai e = 3

11/ Mot dinh la A(5; 0), mot tiéu diém 1a F(6; o).
12/ Mot tiu didm la F(—?; 0) vatim sai e = 2.
13/ Qua A(\/B;G) va co tdm sai e = \/3

14/ Qua A(-5;3) vacé tam sai e = V2.

15/ Qua A(—2;12) va c6 tiéu diém F, (7; 0).

Page - 200 - "All the flower of tomorrow are in the seeks of today......




Pé cuong hoc tap mdén Todn 10 — Tap II Ths. L& Van Poan

. Tinh géc a,

16/ quuahaldlemM(4 ,N(\/E, )
N
N

17/ Di qua hai diém M (2 )
18/ Di qua hai diém M (6;—1),
8v

(-3
En82\/_)

19/ C6 @6 dai tryc thyc bang t tiém can la 5x —4y = 0.

‘ 4
20/ C6 tiu cy bing 213 va mot tiém can 12 y = .

21/ Qua A(\/g;Z) va co hai ti€ém can la y = +2x.

22/ Motdinhla A(—3;0) vamot tiém can la d : 2x + 3y = 0.

25

23/ Haitiémcanla d:2x +y = 0 va khoang céch giita hai dudng chuén bang -
24/ Tiéu cy bang 8 va hai tiém cén vudng géc véi nhau.

25/ Qua A(6;3) va géc gifta hai tiém cn 1a 60° .

26/ Haitiém canla d: 3x & 4y = 0 va hai dudng chuanla A :5x +16 = 0.

27/ C6 cing tiéu diém voi elip (E) :10x* 4 36y” — 360 = 0, tAm sai bang g

\/_9
5

28/ Qua a AMF F, vudng tai M.

29/ Coédinh A, (3; 0) va duong tron ngoai tiép hinh chir nhat co s¢ 1a (C) x>y’ =16.

2 2
30/ C6 cung hinh chit nhat co so voi elip (E) : % + YZ =1.
31/ C6tam sai e = g va dién tich caa hinh chit nhat co s& la 48 (d.v.d.t).

32/ C6 haitiém can 12 y = 4x va c6 hai tiéu diém 12 hai tiéu diém cia elip

2 2

. Tim tam sai ctia Hyperbol biét géc hop béi tiém can va truc hoanh bang

1/ 30°. 2/ 60°. 3/ 45°.

. Tinh tam sai cia Hyperbol (H) biét:

c oA N A . . i~ [N N N IS
1/ Hai tiém cén vudng géc nhau. 2/ Goc gitra hai tiém cén bang 3

hop boi hai tiém can ctia Hyperbol c6

O<0L§I
2

1/ Tamsai e =2.
2/ Tiéu cu bang bon l1an khoang cach tir mot ti€u diém dén mot tiém can.
2 2

. Cho Hyperbol (H) : X—2 ARy
a

bz
1/ Lap cong thirc tinh goc ¢ tao boi hai duomg tiém can ciia (H) theo a,b . Ap dung tinh ¢
khi biét tam sai cua (H) bing 3.

2/ Tim tam sai cua (H) khi biét géc gitta hai tiém can ctia (H) bang 30°.
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TIM PIEM TREN HYPERBOL (H)THOA PIEU KIEN CHO TRUOC - SU TUONG

Bai 555.

Bai 556.

GIAO

2
Cho Hyperbol (H) cx?— % = 1. Tim nhiing diém M trén (H) sao cho
1/ M nhin hai tiéu diém dudi mot géc vudng.
2/ M nhin hai tiéu diém duéi mot géc 60°.
3/ M nhin hai tiéu diém dudi mot géc 45°.
4/ M cé toa d6 nguyén.
5/ M thudc nhdnh phai va MF, nho nhat (ngén nhat).
6/ M thudc nhanh phai va MF, 16n nhat (dai nhét).
7/ Khodang cich tir M dén duong thang A : x —y + 3 = 0 dat gid tri 16n nhat, nhé nhat.
Cho Hyperbol (H) : 4x* — y* = 4. Tim nhimng diém M trén (H) sao cho
1/ M nhin hai tiéu diém dudi mot géc vudng.
2/ M nhin hai tiéu diém duéi mot géc 120°.
3/ M nhin hai tiéu diém dudi mot géc 30°.
4/ M cé toa d6 nguyén.
5/ M thudc nhdnh phai va MF, nho nhat (ngén nhat).
6/ M thudc nhanh phai va MF, 16n nhat (dai nhét).
7/ Khodang cich tir M dén duong thang A : x +y — 2 = 0 dat gid tri 16n nhat, nho nhat.
2

. Cho Hyperbol (H) : XZ — y* = 1. Tim nhiing diém M trén (H) sao cho

1/ M nhin hai tiéu diém dudi mot géc vudng.

2/ M nhin hai tiéu diém duéi mot géc 120°.

3/ M nhin hai tiéu diém duéi mot géc 60°.

4/ M cé toa do nguyén.

5/ M thudc nhdnh phai va MF, nho nhat (ngén nhat).

6/ M thudc nhdnh phdi va MF, 16n nhat (dai nhat).

7/  C6 ban kinh qua tiéu diém nay bang hai 1an ban kinh qua tiéu diém kia.

8/ Khoang cach tt M dén duong thang A : y = x + 1 dat gia tri 16n nhat, nho nhat.

. Cho hypebol (H) va dudng thing d vudng géc véi truc thyc tai tiéu diém bén trdi F, cét (H)

tai hai diém M, N.

a/  Tim toa do cdc diém M, N. b/ Tinh MF,, ME,, MN.
1/ (H):16x° — 9y = 144. 2/ (H):12x" —4y” = 48.
3/ (H):10x" + 36y" — 360 = 0. 4 (H):x" —dy* =4
. Cho hypebol (H) . Tim nhiing diém M € (H) sao cho:
a/  MEF, = 3MF,. b/ MEF, = 3MF,.
¢/ MF, = 2MF,. e/ MF, = 4MF,.
X2 y? X2 y?
1V (H):=——<-=1 2/ (H):=——=-=1.
9 16 4 12
X2 y2 XQ )
3/ (H):Z—gzl 4/ (H):Z—y =1
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Bai 560. Cho hypebol (H) . Tim nhiing diém M € (H) nhin hai tiéu diém dudi mot géc vudng, voi:

2 2 2
X 2 X y
1/ (H):>=—-y*=1 2/ (H):=——2< =1.
(1): =~y (1) =3
X2 2 XQ 2
3/ (H): - =1, 4 (H): -1 =1
4 12 9 16
Bai 561. Cho hypebol (H) . Tim nhitng diém M € (H) nhin hai tiéu diém duéi mot géc o, voi:
2 2 2 2
1/ (H):X——y—:l, o =120°. 2/ (H): > —Y-=1 a=120"
4 5 36 13
2 2
3/ (H):X——y— =1, a=60°. 4 (H):16x" —9y* =144, o =45",
16 9
X2 y2 )
Bai 562. Cho hyperbol (H) : %9 = 1. Tim diém M trén hyperbol (H) sao cho

1/ M nhin hai tiéu diém dudi mot géc vudng.

2/ Tbéng khoang cich tir M dén hai duong tiém cén bang 24:5 .
BAi 563. Cho hyperbol (H): 3x* — 4y = 12 ¢6 hai tiéu diém Ia F,, F,.

1/ BiétM la diém trén (H) c6 MF, = 3. Hay tinh MF, va tim toa d¢ diém M.

2/ Tim trén mot nhanh cua (H) hai diém P, Q sao cho AOPQ 1a tam gidc déu.

2 2
Bai 564. Cho hyperbol (H): XT - % — 1 va duong thing d: xv/2 —y —2 = 0.

1/ Chang minh rang d luén cat (H) tai hai diém phén biét A, B. Tinh d6 dai doan AB.
2/ Tim toa d6 diém C € (H) sao cho

a/ AABC c6 dién tich bang 5.
b/ AABC can.
c/ AABC vuong.
2 2
BAi 565. Cho hyperbol (H): ;—5 - YZ =1 va dudng thing d : 2x + 15y — 10 = 0.

1/ Chimg minh ring d luon cét (H) tai 2 diém phan biét A,B voi x, > 0. Tinh do dai AB.
2/ Tim toa d6 diém C € (H) sao cho AABC cén tai A.

TINH CHAT CUA HYPERBOL (H) VA MOT SO DANG TOAN KHAC

BAi 566, Cho hyperbol (H): XZZ —y?=1.
1/ Xac dinh tiéu diém va hai ti¢m can cia (H).
2/ Laytayy M (xo; yo) € (H) Tinh cdc khoang cdch tir M dén hai tiém can cua (H) .
Bai 567. Cho hyperbol (H): z—j - i—z =1.
1/ Goi M Ia diém tuy y trén (H). Chimg minh tich céc khoang cdch tir M dén hai duong tigm

21.2

can bang mot s6 khong ddi va bang > S
a” +b
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Bai 568.

2/ T mot diém N bat ki trén (H), dyng hai dudng thing song song v&i hai duong tiém cén,

cung v6i hai dudng tiém cén tao thanh mot hinh binh hanh. Chiing minh dién tich hinh
binh hanh d6 bang %ab.

2 2

XY L A . X 1.
Cho hyperbol (H) ‘35 16 1 ¢ hai ti€u di€ém F|, F, . Hay tinh:
1/ H=OM - MF,MF,. 2/ S =(MF, + ME,) —40M?.
2 2
. Cho hyperbol (H): = — % =1 ¢6 hai tiéu diém F,, F, vahai dinh A, A,. Diém M di dong
a

trén (H) va ¢6 hinh chiéu xuéng tryc hoanh Ox 1a P. Chirg minh ring

1/ OM® — MF,MF, = a’ — b, 2/ (MF, +ME,) = 4(OM? +b?).
2
3/ PM’ = b—Q.PAl.PAQ.
a

. Cho hypebol (H): 9x> — 16y* — 144 = 0.

1/ Viét phuong trinh céc dudng chuan ctia (H) .

2/ Viét phuong trinh céc dudng tiém can cia (H) .

3/ Goi M la mot diém bét Ki trén (H). Chimg minh tich cdc khoang cdch tir M dén hai duong
tiém can bang mot so khong doi.

4/ Tim diém M trén (H) sao cho ban kinh qua tiéu diém bén trai bang 2 1an ban kinh qua tiéu
diém bén phai cua M.

5/ Tim diém N trén (H) sao cho F,NF, = 90"

6/ Ching minh ring néu mot duong thang d cat (H) tai P, Q va cit hai duong tiém cén tai
P', Q' thi PP'=QQ".

2 yZ

. Cho duodng thang d : x + y — 3 = 0 va hyperbol (H) : % 1 = 1. Chimg t6 rang d cit (H)

tai hai di€ém phan biét va xac dinh toa dd cac giao diém. Tinh d6 dai doan noi hai giao diém.

2 2
y

. Cho hyperbol (H):%—?zlvéduc‘rngthéng d:x—y+m=0.

1/ Chimg minh: d luén cat (H) tai 2 diém M, N thugc hai nhanh khac nhau véi x,; < xy.
2/ Goi F,, F, Ia hai tiéu diém cita (H). Tim m dé NF, = 2MF, .

. Cho hyperbol (H) :8x% —y® =8 vadudng thing d:2x —y +m = 0.

1/ Chtng minh: d luén cat (H) tai 2 diém M, N thudc hai nhanh khéc nhau véi Xy < Xy-
2/ Goi F,, F, 1a hai tiéu diém cta (H). Tim m d¢ NF, = 2MF,.

2
. Cho hyperbol (H) : XZ — y* = 1. Lap phuong trinh duong thing d di qua M (0;2) cat (H) tai

hai diém phén biét A, B sao cho M 1a trung diém ciia AB.
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Bai 575.

=]
Q)
=3
U1
C0
N

=]
Q)
=3
U1
|oe]
o8}

. Cho M[

2
Cho hyperbol (H) : XZ — y?* = 1. Lap phuong trinh duong thing d di qua M (0;2) cat (H) tai

hai diém phén biét A,B sao cho 3MA — 5MB = 0.
2 2

2 2
. Tim toa d¢ giao diém ciia (H) 2 Y v elip (E) ARl Chting minh rang céc
o . 16 9 ) 25 9
tiep diém nay cung nam trén mot dudng tron. Viet phuong trinh dudng tron nay.
2 2

y

. Cho hyperbol (H) : XZ e = 1. Goi d 1a duong thang qua gdc toa dd O c6 hé s6 géc k va d'

1a duong thang ciing di qua O nhung vudng géc véi d.
1/ Tim diéu kién cta k dé d va d' du cét hyperbol (H).
2/ Tinh theo k dién tich hinh thoi véi 4 dinh 12 4 giao diém ctia d, d' va (H) .

3/ Xic dinh k dé hinh thoi 4y c6 dién tich nho nhét.
2

2
. Lap phuong trinh duong tron di qua giao diém ctia (E) 4 YZ =1va (H) x? — YZ =1.
2
L N (X - 1) 2 < 4R p 3
. Cho elip c6 phuong trinh (E) 5 —i—(y—f—Z) =1 vadiém A c6 XA:_E vay, >0

thudc vao elip (E) .
1/ Lap phuong trinh chinh tic cia Hyperbol (H) c6 mot tidu diém F, (—1; —2), tim I(l; —2)
va di qua diém A.

2/ Xac dinh toa d6 giao diém cua (H) va (E)

QUY TICH PIEM - TAP HQP DPIEM (H)

ccota| v6i o = k. Tim tap hop diém M.

Cho M [
Sin

a

;btanu] voi o = (2k + 1)3. Tim tap hop diém M.
cos 2

. Cho diém F(2;0) va A:x = g Tim tap hop diém M théa: /3. PF = 3.4(M,A).
. Cho diém F(—3;0) va A:3x +4 = 0. Tim tap hop diém M sao cho 2MF = 3.d(M,A).

. Cho hai diém A (—1;0), B(1; o) va dudng thing A : x —i =0.

1/ Tim tap hop diém M sao cho MB = 2MH véi H 12 hinh chiéu vudng géc ctia M trén A.
2/ Tim tap hop di@m N sao cho cac duong thang AN, BN khong song song vdi Oy va ¢6 tich
céc hé s6 gbéc bang 4.

. Cho hai duong tron (C, ) ¢6 tam 1a F, vaban kinh R, (C,) ¢6 tam 1a F, va ban kinh R,

(Rl = RQ) . Goi M Ia tam duong tron (C) thay d6i nhung ludn tiép xiic voi (Cl) va (CQ) .

Tim tap hop diém M.

2 2
y

. Cho diém M di dong trén hyperbol (H) : }1{_6 —~— =25. Tim tap hop trung diém cua doan

9

MF, va ME, véi x

<X, .
B E
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Bai 587.

Bai 591.

Cho hyperbol (H) :x* —y® =1 va dudng thing d : 5x — 3y —1 = 0. Tim diém M e (H) sao
cho khoang cach tir M dén duong thing d 13 nho nhat.

2 2
Cho hai duong tron (01) : (x - 3) +y° =9 va (CQ) : (x + 3) +y* = 4. Tim tap hop tim M

cua duong tron tiép xic dong thoi véi hai dudng tron ndi trén.

. Cho duong tron (C) :x? +y? 4+ 4x = 0 va diém F, (2;0) .

1/ Tim toa d9 tim F, va bén kinh R cta (C).
2/ Tim tap hop céc tam M cua dudng tron (C ') di dong ludn di qua F, va tiép xiic véi (C) .
3/ Viét phuong trinh cta tap hop trén.

. Cho hai duong tron (C): x* +y” +10x + 9 =0 va (C'): x* +y* —10x +21=0.

1/ Xdc dinh tam va tinh ban kinh cia (C) va (C").
2/ Tim tap hop cac tim M cua duong tron (T) tiép xic voi (C) va (C ') .

3/ Viét phuong trinh cua tap hop dé trén.
Cho hai duong thang A : 5x —2y =0 va A':5x +2y = 0.

1/ Tim tap hop (H) cdc diém M c6 tich cdc khoang cdch tir Mdén A va A' bang % .

2/ Viét phuong trinh c4c dudng tiém can cia (H) .
3/ Goi N Ia mot diém bat ki trén (H) . Chitng minh tich cdc khoang cach tir N dén cic duong

tiém can cua (H) béng mot sb khong doi.

. Tim tap hop cic diém M c6 ti s6 cac khoang cach tir d6 dén diém F va dén duong thang A

bénge,vc’ri:
1/ F(£0),Aix-1=0e=2. 2 F(Sﬁ;O),A:x—#,ez%.
2/ F(6;0),A:3x—8=0,e:§. 2/ F(3;0),A:3x—4=0,e:§.

2 2
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BAI TAP QUA CAC KI THI

Bii 593. Cao dang Marketing Tp. H6 Chi Minh nim 1997

2 2

Cho hyperbol (H) e A

169

1/ Tim d dai truc 4o, truc thyc, tim sai, tiéu diém F, F, cta (H) .

2/ Tim trén (H) nhitng diém sao cho MF, L ME,.

BS: 1/ 2a=8, 2b =6, F,(¥50), e=

=~ | ot

4\/53_4;ig

2 M, { -

_4J3_4;ig]

Bii 594. Cao diang Cong Nghiép Ha Noi nim 2003
2
Trong mit phang véi hé truc toa dd Pécac vudng gée Oxy, cho hypebol (H) : 1{_6 — % =1.

Lap phuong trinh elip (E) , biét rang (E) c6 céc tiéu diém cua (H) va (E) ngoai tiép hinh chir
nhét co sé cua (H) .

Bii 595. Cao ding Kinh Té Tai Chinh nim 2005

Trong mit phang véi hé truc toa dd Oxy, cho hyperbol (H) : }2{—5 — % = 1. Viét phuong trinh

2 2
tiép tuyén véi hyperbol (H), biét tiép tuyén d6 di qua diém A (10;6).

Bii 596. Cao diang Kinh Té Ky Thuat Cong Nghiép I nim 2007

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho hypebol (H) c6 phuong
2 2

trinh: X? — % =1 va diém M(Q; 1) . Viét phuong trinh dudng thing d di qua M, biét ring
duong thing d6 cét (H) tai hai diém A, B ma M 1 trung diém cia AB.
bS: d:3x—y—-5=0.

Bii 597. Pai hoc Kinh Té-Pai hoc Sw Pham-Pai hoc Kién Triic-Pai hoc Nong Nghiép nim 1981
Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho ho hyperbol c6 phuong trinh
(C,): (m* —4)x* — 4y* = 4(m” — 4) véi m Ia tham 5.

1/ Thy theo m, hdy chi rd ban chat (C, ) va cho biét tam, dinh, tiéu diém, tiém can néu co.

2/ V& (C,) va (C, ;) trén cing mot hinh.

bS: m =42 (Cm):y2 =0 m=0 (Cm):x2+y2 =4,
. .Xz y2 o m< —2 ‘Xz yz
m€<—2,2):>(cm).§+m—l, m> 9 (Cm).2—2—( 4_m2)—1.

Bai 598. DPai hoc Dan Lap Hung Vwong nim 1996
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Bai 599.

2
Cho hyperbol (H) X vy =1.
4
1/ Xéc dinh tiéu diém. Viét phuong trinh cdc ti€m can.

2/ Cho M(x,;y, ) € (H). Tinh tich s6 tir M dén hai ti¢m can.

ps: 1/ Fl(—\/g;o), F2<\/g;0), d, :y:j:%x. 2/ d(M,dl).d(M,dz):g.

Pai hoc Dan Lap Thing Long nim 1996
1

Yy = \/gtant . Chirng minh:
cost

V&i mdi t ma —g <t<g, X6t M(t) c6 toa do [x —

1/ Khi t thay ddi, diém M (t) vach nén mét nhanh cua hyperbol. Xéc dinh toa do cdc tiéu diém
cua hyperbol do.
2/ Chting minh diéu kién can va du dé duong thang ndi hai diém phan biét M (tl), M (tQ) di

A [N s A 5 N tl tQ
qua mot tiéu diém cua (H) la tang.tang =——

2 u= tauni
DS: 1/ Nhanh phai (H) A ) (x > 0) c6 F(20). 2/ Pat 1;2 .
3 v = tam;2

. Pai hoc Nong Nghiép I nam 1997 — hé chwa phan ban

Cho elip (E): 4x” + 16y* = 64.
1/ Xic dinh céc tiéu diém F,, F,, tam sai va vé (E).
2/ M 1a mot diém bat ky trén elip. Chitng to rang ti s6 khoang cdch tir M dén tiéu diém phai F,

va téi duong thang x = % c6 gid tri khong doi.
3

3/ Cho dudng tron (C): x* +y° + 4f3x — 4 = 0. Xét duong tron (C") di dong nhung Tuon
di qua tidu diém phai F, va tiép xidc voi duong tron (C) . Chiing t6 rang tim N ctia duong
tron (C ') nam trén mot hyperbol c6 dinh. Viét phuong trinh cta hyperbol dé.

V3 MF 3

2 2
BS: I/ F,(723i0), e =22, o 2T =32 3 (1) T -2,
, 2 MH 2 18

X>&]
=3 |

. Dai hoc Giao Thong Vin Tai dé 2 nim 1997

Cho hyperbol (H) :x” —y’ = 8. Viét phuong trinh chinh tic cua Elip (E) di qua diém
A(4;6) va c6 tiéu diém triing voi tiéu diém cta hyperbol da cho.
2 2

Ds: (E):g—4+i—8:1

Bai 602. Dai hoc Kién Tric Ha Noi (Co' Sé Thit Pitc — Tp. Hd Chi Minh) nim 1997
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2 2

Cho hyperbol (H) : i(—6 ——=1

1/ Viét phuong trinh dudng thang d 1a tiép tuyén cta (H) va di qua diém A (2; —1) .

—

2/ Goi M la tiép diém cua (H) va d. Chirng minh d 1a phén gidc géc F M F, (Fy, F; la tiéu
diém cuia hyperbol).
3/ Tinh thé tich vat thé tron xoay do quay mién phang gidi han boi (H), d, truc Ox quanh Oy.

dn(H)=M, [5;5]

MF  BF 21
BS: 1/ d:5x — 6y ~16=0. 2/ CM: L= L v6i . 2) 3 V:7_5“.
e 2 dﬁOX:B[—;O]
5
. DPai hoc Dugc Ha N§i ndm 1997 — hé chwa phan ban
X2 y2
Cho hyperbol (H): — —~—=1.
( ) a? b2

1/ Tim tap hop diém trong mit phang Oxy sao cho tir mdi diém d6 ké duoc hai tiép tuyén véi
(H) va tiép tuyén Ay vudng géc véi nhau.

2/ M la diém bat ky trén (H) .Goi A, A, la hai duong thing di qua M va tuong (g song
song véi hai dudmg ti¢m cén ctia (H). Chimg minh réing di¢n tich hinh binh hanh duoc gisi
han béi A, A va hai duong tiém can 1a mot s6 khong doi.

a’b’

.2 S:mvéi@:(A

yi:l:E
a

BS: 1/ x> +y* =a’—b’,

1’

A,).

. Dai hoc Pa Ning khéi B niim 1997 — h¢ chwra phan ban

Lap phuong trinh chinh tic ctia hyperbol (H) v6i Ox 12 truc thyc, tong hai ban truc a +b = 7,
phuong trinh hai tiém cén: y = j:%x .

1/ Tinh do dai céc ban tryc, v& hyperbol (H)

2/ Lap phuong trinh tiép tuyén cia (H) song song v&i duong thang d : 5x —4y +10=0.

X2 y2
Ds: 1/ (H):E—gzl. 2 5x—4y+4=0, Bx—b5y—4=0.

. Hoc Vién Céng Ngh¢ Buu Chinh Vién Thong nim 1999

Hai duong cong dugc goi 1 tryc giao nhau tai giao diém cta ching khi va chi khi tai d6 hai
tiép tuyen tuong rng cua hai duong cong vuéng géc vai nhau. Chirng minh hai dudng cong sau

n . .o .2 ) L 2 2 N b L.
day tryc giao nhau tai giao di€m ctia ching: x° —y” =a va y = — vdi a,b = const.
X

o ex . b
HD: e Tim toa do giao diém cua (H):x2 —y'=avad:y=—.
X

e Goi A (Xo; Yo) 12 mot trong céc giao diém dé.
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Bai 606.

e Xic dinh hé s géc k; cua tiép tuyén d; cua (H) tai A.

e Xic dinh hé s géc k, cua tiép tuyén d, cta (H) tai A.

e Chungto kk, = —1.
Pai hoc Luat Ha Ngi nam 2000
Tim tap hop diém M (x; y) trong hé toa do Oxy sao cho khoang cédch tir M dén diém F (0;4)
bang hai lan khoang céch tir M dén duong thang y = 1. Tap hop dé 1a duong gi ?

DS: Tap hop diém M(X; y) 1a hyperbol (H> : YZQ _g -

. Dai hoc Nong Nghiép I khoi A nim 2000

Trong mat phfmg véi hé truc toa d¢ Oxy, cho céac diém A (—2; 0), B (2; 0), M (X; y) .

1/ Xéc dinh toa do diém M, biét réng M nam phia trén tryc hoanh, so do géc AMB = 90" va
s6 do g6c MAB = 30°.

—

2/ Khi M chuyén dong trong mat phang toa d6 sao cho AAMB ¢6 s do géc MBA gap hai lan

s6 do géc MAB. Chting minh ring M chay trén mot nhanh cua dudng hyperbol. Xdc dinh
toa do tiéu diém cua nhanh hyperbol d6.

ps: 1/ M(l;\/g).

2
2 2 x+—=X,y=Y 2 2
2/ (H):3x+2 ~Y 1 bt 3 H). 2 Y g
16 3 16 16 5,16 ., a’> b’
—=a,—=b
9 3
. Pai hoc Kién Tric Tp. Ho Chi Minh khéi V nim 2001
2 2
Chung minh rang tich cdc khoang céch tir mot diém bét ky cua hyperbol (H) : X—Z — % =1
dén cdc tiém can ctia nd 12 mot sd khong doi.
21.2
bS: d.d, = 2ab ~ = hang s6.
a~+b

. D bi 1 - Pai hoc khdi A nim 2006

2 2

Trong mit phang véi hé toa dd Oxy, cho elip (E) : }1{—2 + y? = 1. Viét phuong trinh hypebol

(H) 6 hai dudng tiém can Ia y = 2x va 6 hai tiéu diém Ia hai tiéu diém cta elip (E).

DS: (H):X?Q—yé:l.
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X% % ¢

® Kién thirc co ban
a/ Dinh nghia
Trong mit phang Oxy cho diém cb dinh F va duong thang cb dinh A. Parabol 1a tap hop

nhitng diém M cua mit phang cach déu mot dudng thang A ¢ dinh va mot diém F ¢ dinh
khéng thudc A. v6i H 1a hinh chiéu ciia M 1én A va

Piém F duogc goi 1a tiéu diém. A
Puong thang A duoc goi 1a duong chuan.

° goi la tham so tiéu cua

S (trung diém cta FL) goi 1a dinh cta . :

e Duong thing FL duoc goi 1a tryc dbi xtmg cua

b/ Phwong trinh chinh tic ciia parabol

Cho parabol ¢6 tiéu diém va duong chuan c6 phuong trinh
voi

e Toa do tiéu diém

e Phuong trinh dudng chuin

o Vi thi ban kinh qua tiéu diém ciia M 1a

¢/ Hinh dang cua parabol y

N [
° nam ve phia bén phai cla truc tung. (P)
° nhan truc hoanh lam truc ddi xung. — 0 /
2

e Toa do dinh: 0(0; 0) .

(WL

A\ 4
<

e Tamsai: e=1.

Ngoai dang chinh tic ( P) . v2 = 2px, ngudi ta cling xem cac dang phuong

trinh sau la phuong trinh chinh tic ctia parabol: ( P) . v2 = —2px hay
(P) :x” = £2py.
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TIM CAC THUQC TINH PARABOL - LAP PHUONG TRINH PARABOL

Bai 610, Tim toa d tiéu diém, phuong trinh dudng chuan va ban kinh qua tiéu diém tmg voi diém
Me (P) ¢6 x,; = 2 cua céc parabol (P) sau

1/
3/
5/
7/
9/

(P) yi=x. 2/ (P):y2 = 2x.
(P) y? = 4x. 4/ (P) :y? = 6x.
(P) v’ = 8x. 6/ (P) y? =16x
(P):y” +6x=0. 8/ (P):3x"+12y =
(P):3y* +12x =0. 10/ (P):3x* — 12y =

Bii 611. Léap phuong trinh chinh tic ciia parabol (P> biét

1/ (P) 6 tieu diém F(2;0).

2/ (P) c6 tiéu diém F (3 0)

3/ (P) c6 tidu diém F (4; )

4/ (P) diqua diém M(6;—2).

5/ (P) di qua diém M(l, 4)

6/ (P) di qua diém M (1;— 2)

7/ (P) ¢6 dudng chuan x = —3.

8/ (P) ¢6 dudng chuan x +2 =0,

9/ (P) c6 dinh A(l 3) va duong chudn d: x —2y = 0.

10/ (P) 6 khoang céch tir tiéu diém dén duong chuan bang 2.

11/ (P) c6 khoang céch giita dinh va tiéu diém bang 3.

12/ (P) c¢6 khoang cach tir dinh dén duong chuan bang 2.

13/ (P) ¢6 tham s tiéu bang 5.

14/ (P) qua diém M v&i Xy, = 2 vakhoang tt M dén tiéu diém 1a g

15/ (P) c6 tidu diém F tring véi tiéu diém bén phai cua elip (E) :5x? 4+ 9y* = 45.

16/ (P) c6 tidu diém F tring vé6i tiéu diém bén phai cta hypebol (H) :16x% —9y® =144.

17/ (P) c6 tiéu diém F tring voi tim ctia duong tron (C) X2 —6x+y +5=0.

18/ (P) cit duong thang d : x + 2y = 0 tai hai diém M, N va MN = 4\/_

19/ Do dai ddy cung vudng gée v6i Ox 1a 8 va khoang cach tir diy cung d6 dén dinh 12 4.

20/ Mot day cung cua (P) vudng géc voi Ox c6 do dai bang 8 va khoang cich tir dinh O ctia
(P) dén day cung nay bang 1.

21/ (P) cat duong phan gidc ciia géc phan tu thir nhat tai hai diém A, B va AB = 5\/5 .

22/ (P> c6 dinh A(l;—2) va (P> chan trén duong thang d : y = x + 1 mot diy cung
MN =34,
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TIM PIEM THUQC PARABOL THOA PIEU KIEN CHO TRUOC - TUONG

Bai 612.

GIAO

Cho parabol (P) . y? = 4x vadiém M(xo;yo) € (P)

1/ Tinh khoang cdch tir M dén tiéu diém F.

2/ Tim toa do ctua diém M biét MF = 2.

3/ Duong thing d qua F cit (P) tai hai diém A va B. Chimg minh: AB = x, +x; +2.

. Tét nghiép THPT niim 2005

Trong mit phang Oxy, cho parabol (P) y? = 8x.

1/  Tim toa do tiéu diém va viét phuong trinh dudng chuan cia (P) .

2/  Viét phuong trinh tiép tuyén cua (P) tai diém M thudc (P) ¢6 tung do bang 4.

3/ Gia sir duong thang d di qua tiéu diém cia (P) va cit (P) tai hai diém phén biét A, B ¢6

hoanh d¢ twong ung 1a x, x,. Ching minh: AB = x, +x, +4.

. Cho parabol (P) cy? =12x.

1/ Puong thang d vudng géc véi truc dbi xtng clia parabol (P) tai tiéu diém F va cat (P)
tai hai diém M, N. Tinh d6 dai doan MN.
2/ Puong thiang d qua tiéu diém F cia (P) va cit (P) tai hai diém A, B. Chirg minh rang

tich sd Yayp 12 h@'mg s6.

. Cho parabol (P) va duong thang d vudng géc voi truc dbi xtmg tai tiéu diém F cat (P) tai hai

diém M, N.

a/  Tim toa do cdc diém M, N. b/ Tinh MF, MN.
1/ (P) :y? = 6x. 2/ (P) vyt = 2x.
3/ (P):y2 =16x. 4/ (P):y2 =X.

. Cho parabol (P)

a/ Tim nhiing diém M € (P) céch tidu diém F mot doan bang k.

b/ Chon M c6 tung 36 dwong. Tim diém A € (P) sao cho AAFM vudng tai F.
1 (P):y* =8x k=10. 2/ (P):y* =2x,k=5.
3/ (P):y” =16x,k=4. 4 (P):y” =4x k=9,

. Cho parabol (P) va duong thang d ¢6 hé s6 géc m quay quanh tiéu diém F cua (P) cit (P) tai

hai diém M, N.

a/ Ching minh x, .x khong doi. b/ Tinh MF, NF, MN theo m.
1/ (P):y2 =4x. 2/ (P):y2 =2x.
3/ (P):y2 = 16x. 4/ (P):y2 =X.

. Cho parabol (P) . y? = 4x va duong thing d : 2x —y —4 = 0. Tim cdc diém M € d dé tir

dé
1/ Khong ké duoc tiép tuyén nao dén dén (P) .

2/ Ké duoc mot tiép tuyén dén (P) .
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Bai 622.

3/ Ké duogc hai tiép tuyén dén (P> .

. Cho parabol (P) cy? =x vaduong thing d : x —y —2=0.

1/ Xéc dinh toa d¢ giao diém A, B ciad va (P) .

2/ Timtoa do diém C e (P) sao cho

a/  AABC c6 dién tich bng 6.
b/ AABC deéu.
3/ Tim diém M trén cung AB ctia parabol (P) sao cho tong dién tich hai phan hinh phang

gi6i han béi (P) va hai day cung MA, MB Ia nhé nhat.

. Cho parabol (P) :y? = 4x vaduong thing d:2x —y —4 = 0.

1/ Xéc dinh toa d¢ giao diém A, B ciad va (P) .
2/ Tim diém X trén (P) saocho XF =5.
3/ Timtoa do diém C e (P) sao cho

a/ AABC c6 dién tich bing 3v10.
b/ AABC déu.
¢/ AABC vudng.

4/ Tim diém M trén cung AB ctia parabol (P) sao cho téng dién tich hai phan hinh phing
gi6i han boi (P) va hai day cung MA, MB 1a nh6 nhit.

5/ Tim diém N trén (P) c6 ban kinh qua tiéu diém bing 10 va tung do duong.

6/ Tim diém Q trén (P) sao cho AONQ vudng tai O.

TAP HQP PIEM - QUY TiCH

. Tim tap hop céac thm M ciia duong tron (C) di dong ludn di qua diém F va tiép xiic voi duong

théngA,Vé’i:
I/ F(20), Arx+2=0. 2/ F(30), A:x+3=0.

3 F(L0), Arx+1=0.
Cho parabol (P) . Puong thang d quay quanh O cit (P) tai diém thi hai 1a A. Tim tép hop cua

a/  Trung diém M ctia doan OA. b/ Piém N sao cho ﬁ + 2N—O' = 6
1/ (P) y? =16x. 2/ (P) y? =4x.
3/ (P):y2:2x. 4/ (P):y2zx.

BAI TAP QUA CAC KI THI

. Cao dang Bao Chi Marketting khoi A nam 2000

Trong mit phang toa ¢ Oxy, cho parabol (P) 1y” = 8x.
1/ Xdc dinh toa d0 tiéu diém F va phuong trinh duong chuin parabol (P) .

2/ Cho diém A (0; 2) . Viét phuong trinh tiép tuyén véi parabol (P) , biét rang tiép tuyén di qua
diém A.
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Bai 624.

Bai 628.

Cao ding Cong Pong Tién Giang nim 2003
Trong mit phang véi hé truc toa d6 Décdc Oxy, cho parabol (P) .y = 4x”. Tur diém M bat ky
trén duong chudn cua Parabol v& hai tiép tuyén dén (P) ,goi T, T, lacéc tiép diém. Ching

minh ring T,,'T, vatiéu diém F cua (P) thang hang.

. Cao dang Kinh Té Ké Hoach Pa Ning nim 2004

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, hdy viét phuwong trinh cua
Parabol c6 tiéu diém F (—2;2) va duong chuan A:y =4.

DS: (P):yz—%xQ—X-i-Q.

, Cao ding Su Pham Tra Vinh khéi A nim 2005

Trong mit phang véi hé tryc toa d6 Descarter vudng géc Oxy, cho parabol (P) 'y’ =x va
diém M (1;1) thudc <P) . Viét phuong trinh duong tron (C) c6 tam I thudc duong thang

d:2x —y = 0 va tiép xic vdi tiép tuyén cua (P) tai M.

2
_31 5
Y7y 16

. Dai hoc Kinh Té - Pai hoc Tai Chinh — Pai hoec Sw Pham nim 1980

Trong mit phang véi hé truc toa d6 Oxy, cho parabol (P) 'y —4y —8x =4.
1/ Xéc dinh tiéu diém va v& parabol (P) .

2/ Viét phuong trinh dudng thang chira diy AB cua (P> sao cho diém M (0; 4) 1a trung diém
cua doan AB.

3/ Tinh di¢n tich hinh phing giéi han boi (P) va day AB.

BS: 1/ (P):(y —2)2 = 8(x +1) co dinh S(—1;2) va tieu diém F(1,2).
2 AB:y=2x+4. 3/ S = f«[%y 4——{(y—2)2—8”.dy.

Pai hoc Y — Nha — Dugc ndm 1981

Trong mat phfmg véi hé truc toa d¢ Descarter vudng géc Oxy, cho parabol (P) vy = 2x. Goi
. . t? .
F la tiéu diém cta (P), M Ia diém c6 toa do {E;t],(t = 0) va N la giao diém cia duong MF

véi (P), (N == M).
1/ Tinh theo t c4c toa do trung diém cua I ctia doan MN.

2/ Tim quy tich I khi t thay ddi (t = 0).

t' 1t

bS: 1/ 1 ,—1 (tzO/\tzil) 2/ Parabol (P'):yzzx—lbédiémF l;0 .
4¢° 2t 2 2
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Bai 629.

Bai 630.

Bai 633

Pai hoc Biach Khoa — Pai hoc Tong Hop Tp. Hé Chi Minh nim 1982
Trong mit phang véi hé truc toa d Descarter vudng géc Oxy, cho A (2; 0) va diém M di

chuyén trén duong tron (C) tdm O bén kinh bang 2, con diém H 1a hinh chiéu vudng géc cua

M [én truc tung.
1/ Tinh toa d6 cta giao diém P cua cic dudong thaing OM va AH theo géc o = (OA, OM) .
2/ X4c dinh va vé quy tich cta P khi M chay trén (C) . Cho biét cic dic diém cta quy tich nay.

ps: 1/ P 2cosa  2sina

/ (P) Ly = 4(x—1) trir dinh S(O;l).

1+cosa 1+ cosal |k E€Z

{VOL = T+ k27

Dai hoc Bich Khoa - Pai hgc Tong Hop Tp. H6 Chi Minh niim 1992

Trong mit phang véi hé truc toa do Descarter vudng géc Oxy, cho diém F (3; 0) va duong
thdng d c¢6 phuong trinh: 3x — 4y +16 = 0.

1/ Tinh khoang cach tir F dén d. Tir d6 suy ra phuong trinh duong tron tim F va tiép xic véi d.
2/ Viét phuong trinh parabol (P) c6 tidu diém F va dinh 1a gdc toa do O. Ching minh rang

parabol tiép xic v6i d. Tim toa do tiép diém.

BS: 1/ d(F,d)=5, (X—3)2+y2 =25. 2 (P):y’ =12x, tiépxﬁctaiA[%;S].

. Pai hoc Y Duge Tp. Ho Chi Minh nim 1994

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, xét hinh bi chin phia dudi boi
parabol (P) :y = x°, bi chin phia trén boi dudng thang di qua diém M(l; 4) va c6 hé sd géc k.
Xdc dinh k d€ hinh ni trén ¢6 dién tich nho nhét va khi d6 tim toad do giao diém cta duong
thang va parabol.

:éi‘/ﬁ@k:Q Khi A(1+\/§; 4+2\/§),B(1—\/§; 4—2@)

bS: S |

min

. Pai hoc Nong Lam nam 1994

Cho parabol (P):y = x* va hai diém A, B di dong trén (P) sao cho AB = 2a véi a la s
nguyén dwong cho trudce. Xac dinh vi tri cia A, B dé dién tich mién phing gi6i han boi dudng
thang AB va (P) dat gid tri 16n nhat.

bS: A(—a;a2), B(a;a2), (an*).

, Pai hoc Kinh Té Tp. H6 Chi Minh nim 1994 — Pai hoc M6 Pia Chit nim 1998

Cho M Ta mot diém thugc Parabol (P): y* = 64x va N Ia mot diém thude duwong thang

d:4x+3y+46=0.

1/ Xac dinh M, N dé doan MN ngin nhét.

2/ Véi két qua da tim duoc ¢ cau 1/, ching t6 rang khi d6 MN vudng géc véi tiép tuyén tai M
cua Parabol (P) .

DS: 1/ M(9%—24), N[g—;;—%]. 2/ Hién nhién MN L d.
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Bai 634.

Bai 635.

Bai 638.

Pai hoc Hué niam 1995
, 1
Trong mat phang vdi hé truc toa d§ Descarter vudng géc Oxy, cho parabol (P) 'y = 5}(2 va
duong thang d : 2mx —2y +1=0.
1/ Chang minh rang véi moi gid tri cia m, duong thang d ludn di qua tiéu diém cia (P) va cit
(P) tai hai diém phan biét M, N. Tim quy tich trung diém I ctia doan MN khi m thay doi.

2/ Tinh géc tao bai céc tiép tuyén M, N ciia parabol (P) .

DS: 1/ Quy tich la parabol (P') y=x"+ % 2/ (TI,TQ) = g (hai tiép tuyén vudng goc).
Pai hoc Pa Ning nim 1995

Cho Parabol (P) 1y =2x.

1/ Xéc dinh duong chuén, tiéu diém cta (P) va vé (P) .

2/ Cho duong thang A : x — 2y + 6 = 0. Tinh khoang cich ngan nhat gitra A va (P) .

3/ Tinh dién tich hinh phing gi6i han b&i (P), truc Ox va tiép tuyén tai A (2;2).

J5 1 4
Ds: 2/ d :%:d(A;(P)). 2/ (tt):y:5x+1, Shp:§(dvdt).

min

. Dai hoc Kién Triic Ha Ngi khdi A nim 1995

Hai dudng cong goi 12 tryc giao tai A néu chiing cat nhau tai A va tai d6 hai tiép tuyén cta hai
2 2
\ A , , . . Lo qen A e~ < 2 qe X R
duong cong vudng géc voi nhau. Tim moi lién hé giira a va b d¢ elip (E) —+ Y 1w
a’ b’
parabol (P) .y = 2x* truc giao véi nhau tai giao diém cta ching.

PS: a’ =2b’.

. Pai hoc Luit Tp. H6 Chi Minh niim 1995

Cho parabol (P) . y* = 16x. Viét phuong trinh tiép tuyén cua parabol

1/ i qua diém A(1;—4).

2/ Vudng géc voi dudng thing : 2x —y +5 = 0.

bS: 1/ 2x+y+2=0. 2/ x+2y+16=0.

Pai hoc Qudc Gia Ha Noi nam 1995

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho hai dudng parabol

y=8—-3x—2x"vay=2+9x —2x".

1/ Hay xac dinh céc gid tri ciia a va b sao cbo dl{(‘mg thang y = ax + b dong thoi 1a tiép tuyén
cua hai parabol va xac dinh toa d¢ cac ti€p dieém.

2/ Tinh dién tich hinh phang gi6i han boi hai duong parabol dé cho va tiép tuyén duoc xdc
dinh 6 trén.

DS: 1/ a=1b=10 Ml(—1;9), M2(2;12).
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Bai 639.

Bai 641.

L
2
9
2/ S x +10 +2x° + 3x — 8)dx + [ (x +10 + 2x* — 9x — 2] dx = —(dvdt).
- x| o= o
5
Pai hoc Tong Hop Tp. H6 Chi Minh khéi D nim 1996
Cho phuong trinh dudng tron (Cm) (x4 y* — 4mx — Q(m + 1) y=1.
1/ Chimg minh rang Ym, (C, ) luén di qua hai diém cd dinh.
2/ Tim quy tich tdm cac duong tron (Cm ) . Chirng minh ring quy tich d6 tiép xdc v6i parabol
(P) (Y = 2x.

BS: 1/ M, (-12), Mz[%;—é]. 2/ d:x—2y+2=0.Diém chung duy nhat H(2;2).

. Pai hoc Pai Cwong Tp. H6 Chi Minh khdi A nim 1996

Cho parabol (P) .y = x’ — 2x + 3 va d 1a dudng thing ciing phuong voi duong thang
y = 2x sao cho d cit (P) tai hai diém A va B.
1/ Viét phuong trinh cta d khi hai tiép tuyén véi (P) tai A va B vudng géc voi nhau.

2/ Viét phuong trinh ctia d khi d6 dai ctia doan thang AB bang 10.
bS: 1/ d:8x—-4y+1=0. 2/ d:2x—y+4=0.

Pai hoc Qudc Gia Tp. Ho Chi Minh nim 1997
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho diém A (0; 2) va parabol
(P) .y = x°. Xéc dinh cc diém M trén (P> sao cho AM ngin nhat. Chung t6 ring AM vudng

g6c vai tiép tuyén cuiia parabol (P) tai M.

ps: M[ig —£§ PTTT: d:2x x—y—y, =0=AM 1 d tai M.
. DPai hoc Quéc Gia Tp. Ho Chi Minh khéi A, B nim 1997
x> . 15 27
Cho parabol (P):y =— vadiém A|—;—]|.
P ( ) Y7 8’8

1/ Viét phuong trinh duong thang di qua diém M ) [— 1; %] va vudng géc véi tiép tuyén cua
(P) tai M.
2/ Tim tat ca céc diém M ¢ trén (P) sao cho AM vudng géc vai tiép tuyén cua (P) tai M.

PS: 1/ 2x—2y+3=0. 2/ M, —1;1,M 5.2 , M, _39
2 278 28

. Dai hoc Pa Ning khoi A nim 1997

Cho parabol (P) 1y° = 16x.
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Bai 647.

1/ Lap phuong trinh tiép tuyén véi (P) sao cho né vudng géc véi duong thang A c6 phuong
trinhla:3x -2y +6=0.
2/ Lap phuong trinh tiép tuyén véi (P) qua diém M (— 1; 0) .

DS: 1/ (T):2x+3y+18:0. 2/ 2x+y+2=0.

. Dai hoc Pa Ning khoi A nim 1998 — h¢ chwra phan ban

2 =92x va

Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho parabol (P) 1y
duong thang d: 2x —2my —1=0.
1/ Xdc dinh tiéu diém F va viét phuong trinh dudng chuin ctia parabol (P).

2/ Ching minh rang v&i moi gid tri cta m, duong thang d ludn di qua tiéu diém F coa (P) va
cat (P) tai hai diém phan biét M, N.
3/ Tim quy tich trung diém I cia doan MN khi m thay doi.

1

bS: I/ F %;()],x_—5 YA =mw’+1>0 dn(P)={M;N}. 3/(P'):y2:x—§.

. Pai hoc Dugrc Ha Noi nam 1998

X y2 N 2
< +E =1 va parabol (P) ty” = 12x.

PS: d :3x+2V3y+12=0,  d,:3x—-2V3y+12=0.

Lap phuong trinh céc tiép tuyén chung cua elip (E) ¢

. Hoc Vién Ngan Hang Tp. Ho Chi Minh nim 1998

Cho parabol (P) : y* = x va goi F 12 tiéu diém cia (P) . Gia st duong thang d di qua F, ct
(P) tai hai diém M; va M.
1/ Tinh M;M; khi d song song véi truc Oy.

2/ Gia su d khong song song voi Oy. Goi k la hé sO géc cua d. Tinh MM, theo k. Xdc dinh cic
diém M,, M, sao cho M;M, ngan nhit.

1
pS: 1/ MM, =1. 2/ d;y:k[x——]k::o MM, = 5 +1> 1.

Do do, (MM, )

min

=1&d// Oy va M, l;—1,1\/,[2 1,1
4 2 4 2

DPai hoc Ngoai Ngir Ha Noi nam 1998
Cho parabol (P) y° = 4x.
1/° Chimg minh rang tir diém N tuy y thugc duong chuan cua parabol ¢6 thé ké dugc hai tiép

tuyén dén parabol ma hai tiép tuyén ay Vuong gbc v6i nhau.

2/ Goi T va T, la tiép diém. Chirng minh rang duong thang T\ T, ludn di qua mot diém c6 dinh
khi N chay trén duong chuan cta parabol.

3/ Cho M la mot diém thugc parabol (M khéc dinh cta parabol). Tiép tuyén tai M cua parabol
cdt cac truc Ox, Oy lan luot tai A, B. Tim quy tich trung diém I cua AB khi M chay trén
parabol da cho.
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Bai 652.

BS: 1/ Chimg minh theo hai cdch. 2/ Luén qua F(1;0). 3/ y* = —%x, (x<0).

. Pai hoc Kinh T¢é Quéc Dan nim 1999

Cho parabol (P) . y? = 4x. Mot duong thing bat ky di qua tiéu diém cta parabol da cho va cit

parabol d6 tai hai diém phan biét A va B. Ching minh rang tich céc khoang céch tir A va B dén
truc cua parabol 1a mét dai lugng khong doi

HD: Tiéu diém F(1;0). Goi d Ta duong thang qua F. Tinh tung 46 y,, v, va y,.y, =4 7?7

. Dai hoc Anh Ninh Ha Ngi khéi D niim 1999 — h¢ phan ban

Viét phuong trinh tiép tuyén chung ctia hai parabol: y =x° +x —2 va y = —x’ + 7x —11.
bS: d:y=x-2Vd,:y="7x-11.

. Dai hoc Nong Nghiép khoi B nim 1999 h¢ chwa phan ban

Cho parabol (P) . y* = x va hai diém A(4;—2), B (1; 1) thudc parabol. Hay tim diém M nam

trén cung ctia parabol gidi han boi A va B sao cho dién tich tam gidc AMB 16n nhat.

bS: d=AB:x+y—-2=0vaS

AAMB

1
- 5AB.cl(M, d)

& (Sy)  khid(M,d) :@@M{l;—l].

max max 8 4 2

AAMB

, Pai hoc Qudc Gia Tp. H6 Chi Minh dot 2 khdi A, B nim 1999

2 N

Trong mit phang véi hé tryc toa d6 Descarter vudng géc Oxy, cho parabol (P) ty° =4x va

hai dudng thang: (D):m2x+my+1:0 va (L):x—nr1y+nr12 =0véim=0.

1/ Chung minh (D) €L (L) va giao diém M cua (D) va (L) di dong trén mot dudng thang cb
dinh khi m thay doi.

2/ Ching minh (D) va (L) 1udn tiép xic véi (P) . Goi A va B lan luot 12 céc tiép diém cia
(D) va (L) voi (P) . Chitng minh duong thang AB luén di qua mot diém c6 dinh khi m
thay doi.

_—

BS: 1/ n,m =0 vaquy tichladwong x = ~1. 2/ AB qua diém c6 dinh F (1;0).
Pai hoc Ngoai Thwong Tp. H6 Chi Minh nim 1999

Cho parabol (P) ty =x> —2x vaelip (E) : %2 +y=1.

1/ Chirng minh rang parabol va elip cit nhau tai 4 diém phan biét A, B, C, D.

2/ Chtng minh rang 4 diém A, B, C, D ciing nam trén mot duong tron. Xac dinh tim va ban
kinh dudng tron do6.

BS: 1/ 9x' —36x" +37x’ —9 = 0. Xét f(x) = 9x* — 36x" + 37x" — 9 lién tuc trén R va
f(x) = 0 c6 1 nghi€ém x; trong khodng (— 1;0), f(x) = 0 c6 1 nghiém x; trong
(0; 1), f(x) = 0 c6 1 nghiém x3 trong (1;2) va f(x) = 0 ¢6 1 nghiém x4 trong (2; 3).
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2/ (C);x2+y2—ﬁx—§y—1:0 c6tam 1| 2:2| va ban kinh R = Y201
97 9 979 9

Bai 653. Dai hoc Thang Long khoi A nim 2000
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho parabol (P) cy =2x7 va
duomg thing A1y = 2(x +2).
1/ Tim diém M € (P) sao cho tiép tuyén ciia (P) tai M song song voi A.
2/ Tinh khoang cich d tir M dén A.

3/ Goi A, B 12 hai giao diém cia (P) v6i A . Chirng minh rang dién tich ciia mién gidi han boi

(P) va A béng % tich ctia d véi d dai doan AB.

1
PS: d :y=2x——.
DS w Y 1

Bii 654. Pai hoc Ngoai Thwong Ha N¢i khdi D nim 2000

Cho parabol y° = 8x va diém I(2; 4) nam trén parabol. Xét géc vudng thay doi quanh diém I

va hai canh cua géc vudng c{it parabol tai M va N (khdc diém I). Chirng minh rang dudng thing
MN 1udn ludn di qua mét diém co dinh.

e
8 _ —
bs: Nn_ﬁ;n] {IM.IN vm,n@{mn+4(m+n)+80:0 A(10:-4).
8 A € MN 8X0—(m+n)y0+mn:0
A(XO;yO)GMN

Bai 655. Pai hoc Hang Hai nam 2000

Cho Parabol (P) c6 tiéu diém F (2; 0), dudng chuan Oy, truc dbi xtmg OX.
1/ Lap phuong trinh cta parabol (P) .

2/ Chtig minh rang tir diém A bat ky trén truc Oy ta ludn ké duoc hai tiép tuyén dén parabol
(P) va hai tiép tuyén nay vudng géc nhau.

BS: 1/ (P):y’ =4x—4. 2/ Phuong trinh d di qua A(0;a) € Oy : y = kx +a,(k = 0).

2
4
Y e ky’—dy + 4k +4a = 0.

Phuong trinh tung d6 giao diém y = k.

Bii 656. Pai hoc Pa Ning dot 1 khéi A nim 2000

Cho parabol (P) c6 tidu diém F

3 : 5
2;——| vaduongchuan d: y = ——.
4] s YT

1/ Lap phuong trinh cta parabol (P) .
2/ Tinh dién tich hinh phang gi6i han boi parabol (P) va truc Ox.

3/ Viét phuong trinh tiép tuyén ctia parabol (P) song song voi truc Ox.
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pS: 1/ (P):y=x—4x+3. 2 S:J(—X2+4X—3)d}<:§. 3/ (tt) 1/ 0x 1y =1.

Bai 657. Hoc Vién Quan Y Ha N¢i nam 2000
Trong mit phang véi hé tryc toa dd Descarter vudng géc Oxy, cho parabol (P) vy’ = 64x va
duodng thang A : 4x — 3y + 46 = 0. Hay viét phuong trinh duong tron 6 tim nam trén duong

thing A, tiép xic v6i parabol (P) va ¢ ban kinh nh6 nhit.

Bii 658. Pai hoc Ngoai Thwong Ha Noi khéi A, D nim 2000

Cho parabol (P) . y? = 8x vadiém I<2;4> nam trén parabol. Xét géc vudng thay dbi quay

quanh diém I va hai canh cua goc vudng cit parabol tai hai diém M va N (khdc véi diém I).

Chting minh rang dudng thang MN lu6n luon di qua mét diém co dinh.

HD: Nhan xét rang I khong thé c6 hai dudng thing song song véi cdc truc toa do thoa YCBT.
Do d6, phuong trinh hai duong d; va d, qua I va vudng géc voi nhau la

d :y:k(x—2)+4 M = (P)nd
dl. :_l ., (k¢ )VQ{N:(&D));(;
L1y k(X )+4 9
MN:(y+4)k2+(y+x—6)k+(y+4):0 va MN qua diém cb dinh A(l();—4>.

Bai 659. Pai hoc Ngoai Thwrong Tp. Hé Chi Minh khdi A nim 2000

Cho parabol (P) .y = x* va dudng thing y = mx + 1. Chtng minh rang khi m thay doi,

dudng thang ludn ludn cit parabol tai hai diém phén biét A va B. Hay tim quy tich tdm vong
tron ngoai tiep AOAB khi m thay do6i véi O la goc toa do.

DS: Tam I nam trén parabol (P') ry =2x" + 1.

Bii 660. Trung Tam Pao Tao Béi Duong Can B Y Té Tp. Ho Chi Minh 2001

Trong mit phang véi hé truc toa dd Descarter vudng géc Oxy, cho parabol (P) 1y’ =4x vaM
1a diém thay d6i trén dudng thing (A) ix=—1.
1/ Tim toa ¢ cdc tiéu diém, duomg chudn ciia (P). Hay vé& (P).
2/ Chitng minh ring tir M Tudn ludn ké duge hai tiép tuyén (d,), (d,) dén (P) va hai tiép
tuyén nay vudng géc nhau.
3/ Goi M, M, 1an luot 12 hai tiép diém cia hai tiép tuyén cia (d1)7 (dQ) ¢ cau 2 véi (P) .
Tim quy tich trung diém I ctia doan MM, .
2 4

BS: 1/ F(1;0), (A):x=-1. 2/ A'=m’+4>0vak, k, === =L
1 2 yl y2 —

3/ Quy tich trung diém I cta doan M, M, 1a parabol (P') cx = %yz e

Bii 661. Pai hoc Kién Triic Ha Ndi nim 2001
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Bai 664.

Trong mat phéng v&i hé truc toa do Oxy, cho parabol (P) ¢6 dinh tai géc toa do va di qua diém
A(2; 2\/5) Puong thing d di qua diém I[g;l] cit (P) tai hai diém M, N sao cho MI = IN .

Tinh d6 dai doan MN.
PS: MN = 315 .

. Dai hoc Nong Nghiép I khoi B nim 2001

Trong mit phang véi hé truc toa dd Oxy, cho parabol véi phuong trinh y° = 8x.

1/ Tim toa d6 tiéu diém va duong chuin cta parabol.

2/ Qua tiéu diém ké dudng thing bat ki cit parabol tai hai diém A va B. Chimg minh rang cic
tiép tuyen voi parabol tai A va B vudng géc nhau.

3/ Tim quy tich cdc diém M ma tir d6 c6 thé ké duoc hai tiép tuyén véi parabol, sao cho chiing
vudng géc nhau.

BS: 1/ F(20), x=-2. 2/ kK, 2 4 _ 1. 3/ Puong thing x +2=0.
Y, ¥,

. Duw bi 2 - Pai hoc khdi A nim 2003

Trong mat phéng véi hé toa do Oxy, cho parabol (P) (Y  =x va diém I(O; 2). Tim toa d0 hai
diém M, N thudc (P) sao cho ﬂ = 4I_ﬁ.

BS: M(4-2), N(1;1) hoge M(36;6), N(9;3).

Pai hoc khéi D nim 2008

Trong mit phang véi hé toa dd Oxy, cho parabol (P) :y? = 16x va diém A(l; 4). Hai diém

phén biét B, C (B va C khdc A) di dong trén (P) sao cho géc BAC = 90°. Chimg minh ring
duong thang BC ludn di qua mot diém cb dinh.
DS: Viét phuong trinh duong thing BC  BC di qua diém c6 dinh 1(17; —4) .
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Ye Ve e
® Dinh nghia
— DPuong conic 1a tap hop diém c6 ti s6 khoang cach tir 46 dén mot diém cb dinh va dén

mot dudng thing c¢b dinh khong di qua diém cb dinh dy, bang mot hing sé duong e.
— Hang s6 duwong e chinh 1 tAm sai ctia dudng conic

+ Néu la elip.
+ Néu 1a parabol.
+ Néu 1a hyperbol.

@ Cac dang toan thwong gip

a/ Dang toan 1. Chirng minh duwong cong 1a mot coénic
< Phuong pha
— Budc 1. Bién ddi vé dang
— Budc 2. Bién luédn theo ta dugc dang cua dudng cong.
b/ Dang toan 2. Lap phwong trinh ciia mt conic

< Phuong phap: Néu bict tdm sai e, mot ti€u diém  va duong chuan  Gng voi ti€u diem do

thi ta sir dung tinh chat:

¢/ Dang toan 3. Tiép tuyén ciia dwong conic

— Trong mit phang toa do cho duong conic va dudng thang
Diéu kién can va da dé d tiép xtc véi 1a
Phuong trinh cua Diéu kién can va du dé d tiép xtc véi
Elip
Hyperbol
Parabol

— Trong mit phang toa 6 Oxy cho dudng conic (\‘s ) . Phurong trinh tiép tuyén

voi (3} tai diém h‘ﬂ[(};o;yo) thudc (3) twong g voi cac dang ciia phuong

trinh (35} nhu sau:
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& Phuong phap 2. Di tim tiép diém rdi str dung phuong phép phan doi
toa do deé giai.
— Buoc 1. Giasudiem M(x ;y, ) 1a tiép diém. Khi d6 phuong trinh

tiép tuyén co dang d : f x X, V.Y } } (phan doi tao
EYSUNAL V. S 10O WP Y | A o0
UL.J} va VL K\)} L \4\. ) \! } \¥ \ ;

"Can cu bu théne minh
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Bai 665.

Bai 666.

BAI TAP AP DUNG

Xic dinh toa d¢ tiéu diém, phuong trinh dudng chuan ctia cic conic
2 2 2 2

USRS 2 Y 3/
8 4 15 20

Viét phuong trinh conic trong mdi trudng hop sau

y® = 6x.

1/ Tiéudiém F(3;1), dudng chudn A :x =0 va tm sai e = 1.

2/ Tiéudiém F 174) duong chuan A :y =0 vatimsai e =

V] [\Dl)—~

3/ Tiéudiém F(2;— 5), duong chudn A :y = x vatim sai e =

4/  Tiéu diém F( : 2),du(‘mgchuénA:x—2y+1:0vétﬁmsaie:\/g.
5/ Tiéu diém F (3;0), dudng chudn A:x 43 =0 vatamsai e = 1.

. 1
6/ Tiéudiém F (-2 0), duong chudn A : x = —8 v tdm sai e = 5
[N : R \ A 8 N oA . 3

7/  Tiéu diém F( ) duong chuan A : x = 9 va tdm sai e = 5

8/ Conic la mét elip (E) 6 khoang cdch giita hai dudng chuan 1a 5 va khoang céch giita hai
tiéu diém la 4.
3

9/ Conic la mét elip (E) cO tdm sai e = 1 va khoang cdch tir tim d6i xtmg dén duong

chuan Ia E
3
10/ Conic 1a mot hyperbol (H) c6 hai duong tiém cén 1a 4x £+ 3y = 0 va khoang cédch gifra

hai duong chuan 1a % .

q 1
11/ Conic 1a mot hyperbol (H) c6 mot dudng chuén x = €6 va thm sai e = —

1 : ,

12/ Cobnic c6 tdm sai e = > mot tieu diém la F (—3; 1) va phuong trinh duong chuén tng
voi tieu diém dé1a Ay +2 = 0.

13/ Conic la mot parabol véi tidu diém F (0;2) va duong chuin tmg voi tidu diém d6 1a
3x—4y—12=0.

14/ Cénic 1a mot elip (E) c6 tam 12 O, tiéu diém & trén Ox, di qua diém M (—ﬁ : 1) va
khoang céch giita hai dudng chuan bang 6.

15/ Conic la mot elip (E) c6 tam sai e = % mot tiéu diém F(2;1) va phuong trinh dudng
chuén tng voi tiéu diém d61a A : 3x —4y —12 =10.

16/ Conic la mot hyperbol (H) véi tiéu diém F(2;—3) dudng chudn tmg véi tiéu diém d6 Ta
3x —y+3 =0 vatam sai e:\/g.

17/ Cénic Ta mot hyperbol (H) c6 tam sai e =2, mot tiéu diém F (1;1) va phuong trinh

dudng chuan tng véi tieu diém déla A:x —y —2=0.
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Bai 667.

Bai 669.

Bai 672.

Bai 673.

18/ Cénic Ia mot parabol (P) 6 tiéu diém 1a O va dudng chudn x —y —2 = 0.
Bién luén theo m hinh dang cua cdnic c6 phuong trinh

1/ (%) : (m—l)x2 +my’ =m’ —m.

2/ (S‘s) : m*x? +(m2 —9)y2 +18my —9m® =0 véi m > 0.

Ching to ring phuong trinh Ax* + By? +F =0 véi AF <0
1/ La phuong trinh cua mot dudng tron c6 tdm O(O; 0) néu A = B.

, |[A=B ,
2/  La phuong trinh ciia mét elip c¢6 dinh O(O; 0) néu { . Tim toa d¢ céc tiéu diém,

AB>0
phuong trinh dudng chuén ciia elip do.
A=B

. Tim toa d0 cac tiéu
AB<O T

3/ La phuong trinh cia m¢t hyperbol c6é dinh O (0; 0) néu {

diém, phuong trinh dudng chuédn ciia hyperbol dé.
Chimg to rang phuong trinh Ax”> 4+ By® + Cx + Dy +E =0 v6i AB >0

2 2
. D . .2
1/ La mdt phuong trinh ciia mét elip néu A. f_A + - E|> 0. Tim toa d¢ cic tiéu diém,
phuong trinh dudng chuan cua elip d6.
: ¢ D
2/ La moét phuong trinh ciia mgt hyperbol néu A. 1A + c E| < 0. Tim toa do céc tiéu
diém, phuong trinh dudng chuan ciia hyperbol d6.
, i CQ D2
3/ Lamétdiemnéu —+——-E =0.
4A  4C

. Chimg to rang phuong trinh Ax” + Bx +Cy +D =0 v6i A = 0

1/ La mot phuong tinh ctia mot parabol néu C = 0.

2/ La mot phuong trinh ctia dudong thing néu C = 0 va B2 —4AD = 0.
3/ La phuong trinh ctia hai duong thang néu C = 0 va B* —4AD > 0.
4/ Lataprongnéu C =0 va B> —4AD < 0.

. Chung t6 rang phuong trinh Ay? + By + Cx +D =0 véi A =0

1/ La mot phuong tinh ctia mot parabol néu C = 0.

2/ La mot phuong trinh ctia duong thing néu C = 0 va B2 —4AD = 0.

3/ Laphuong trinh cta hai dwong thang néu C = 0 va B> —4AD > 0.

4/ Lataprongnéu C =0 va B —4AD < 0.

Chimg t6 rang phuong trinh Ax” 4+ 2Bxy + Cy* + Dx + Ey + F =0 (*)

1/ L phuong trinh ciia mét elip néu B — AC < 0.

2/ Laphuong trinh cua mot hyperbol néu B — AC > 0.

3/ La phhuong trinh ctia mot parabol néu ’B2 —AC=0.

4/  La phuong trinh ctia m¢t duong tronnéu B=0 va A =C = 0. )

5/ La phuong trinh cia mét elip hodc hyperbol c6 truc cuing phuong voi truc toa dd néu
B=0vaAC=0vaA=C.

6/ La phuong trinh cia 2 duong thing néu (*) c6 nghiém y 1a phuong trinh bac nhat theo x.

Cho elip (E) - 4x* +16y* = 64.
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Bai 674.

Bai 677.

Bai 678.

1/ Xdc dinh cdc tiéu diém F,, F,, tdm sai va v& elip.
2/ M la mot diém bét ky trén elip. Chung to rang ti s6 khoang cich tir M dén tiéu diém phai

F, vat6i duong thang x = % c6 gia tri khong doi.

3/ Cho duodng tron (C) x4y 4X\/§ — 4 = 0. Xét duong tron (01) di dong nhung
ludn di qua tiéu diém phai F, va tiép xidc ngoai voi duong tron (C) . Chig to rang cic
tam N cua duong tron (01) nam trén mot hyperbol c6 dinh. Viét phuwong trinh hyperbol.

2 2
Cho hyperbol (H) c6 phuong trinh (H) : X—Q — y_2 =1
a b
1/ Tinh d6 dai phan duong tiém can chan boi hai duong chuan.
2/  Tinh khoang céch tir tiéu diém dén céc tiém can.
3/ Chung minh ring chian duong vudng géc ha tir mot tiéu diém dén céc duong tiém can
nam trén dudng chuan.

Tinh géc a, (0 <a< 900) giita cdc dudng tiém can cta hyperbol. Biét khoang cdch giita céc

tiéu diém gap 2 lan khoang cich giita cdc duong chuan.

. Chiing minh ring diéu kién can va du dé duong thing d : Ax 4+ By + C = 0 tiép xic véi elip

2 2
(B): = +5 =11a’A” +b'B* =C".
a’ b
Chung minh rang diéu kién can va da dé dudng thiang d : Ax + By + C = 0 tiép xdc voi
2 2
hyperbol (H): = — % — 112 a2A% — BB = (2.
a

Chtrng minh rang diéu kién can va du dé duong thing d : Ax + By + C = 0 tiép xic véi
parabol (P) :y? =2px 1a B*p = 2AC.

2 2
. Chiing minh ring phuong trinh tiép tuyén véi elip (E) : X—2 + y_2 =1 tai diém
a b
Yoy
M(xo;yo) € (E) c6 dang : 2 + s =1.
a b
. , , X2 2 ,
Chiing minh rang phuong trinh tiép tuyén véi hyperbol (H) P y_Q =1 tai diém
a~ b
A . XOX y()y —
M(xo;yo) € (H) c6 dang : 2 —? =1.

. Chiing minh ring phuong trinh tiép tuyén véi parabol (P) :y? = 2px tai diém

M( X3Y, ) (P) c6 dang : yy:p(x+x )

. Cho diém M(l 2) Lap phuong trinh tiép tuyén ciia conic ( ) di qua M, biét

1/ (%):X?Q+%:1. 2/ (%):XQ—Y?QZL
2

. Cho diém M(3;—4) vaelip (E) c6 phuong trinh (E): %2 +L =1,

4
1/ Chung minh ring qua M ké duoc hai tiép tuyén dén (E) .
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2/  Xéc dinh phuong trinh hai tiép tuyén va 1ap phuong trinh duong thang di qua hai tiép
diém cua (E) v6i hai tiép tuyén trén.

3/  Viét phuong trinh tiép tuyén ciia (E di qua diém A (3; 0) .

4/  Viét phuong trinh tiép tuyén cua (E di qua diém B (2; 3) .

7/  Viét phuong trinh tiép tuyén ctia (E}, biét tip tuyén tao véi d; :2x —y = 0 mot géc

5/  Viét phuong trinh tiép tuyén ciia

E), biét tiép tuyén vudng géc véi d, : y = x.

E) , biét tiép tuyén song song vai d :x—-2y+6=0.
6/  Viét phuong trinh tiép tuyén ciia )

bang 60° .

2 2

Bai 684. Cho hyperbol (H) : % — i’—6 = 1. Viét phuong trinh tiép tuyén cia (H) . Biét tiép tuyén

1/ Piquadiém A(3; 0).

2/ Diquadiém B(3;2).

3/ Song song v6i duong thang d, : x —y +1=0.

4/  Vuodng géc v6i duong thang d, : x —2y +3 = 0.

5/ Tao voi duong théng d, :x—2y —4=0 mjt gbc béng 45° .
Bai 685. Cho parabol (P) . y* = 2x. Lap phuong trinh tiép tuyén ciia (E), biét tiép tuyén

6/ Biqua diém A(?;?) .

7/ Diquadiém B(23).

8/  Song song v&i duong thang d, : 3x —4y +1=0.

9/  Vudng géc voi dudng thang d, :4x -3y +7=0.

10/ Tao véi duong thing d, :2x —y = 0 mdt géc bang 60°.
Bii 686. Cho dudng thang A :2x —y —1 = 0 va parabol (P) cy? =2x.

1/  Lap phuong trinh tiép tuyén cta parabol (P) vudng géc voi duong thing A.
2/ Goi M la tiép diém cia (P) v6i tiép tuyén d. Hay 1ap phuong trinh dudng tron tim M va

tiép xtic véi duong thing A.

Bai 687. Cho parabol (P) cy=x"—2x+3 va d, : y = 2x. Duong thang d 12 dudng thang cling
phuong véi dudng thang d, saochod cit (P) tai hai diém phan biét A, B.
1/  Lap phuong trinh cta d khi hai tiép tuyén cua (P) tai A va B vuong géc voi nhau.
2/ Lap phuong trinh cua d khi d¢ dai AB = 40.

2 2
Bai 688. Cho diém M(—2;9) va hyperbol (H) : <X ; 1) — (y 1_61) = 1. Lap phuong trinh tiép tuyén

cua hyperbol (H) di qua diém M.
Bai 689. Lap phuong trinh tiép tuyén chung ctia

1/ (E);XZQ+%2:1 & (C):x* +y" =5.
2/ (E):XZZJF%Z:l & (H);Xg_%:
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Bai 690.

. Cho hyperbol (H) : X—2 — y_2 =

. Choelip (E) : X—2 + y_2 = 1 va hai diém M, N trén elip

3/ (E):X§+Y£:1 & (C).x2+y2:9

4/ (El):%QerZQ:l & (EQ):XZ2+%2:1.

5/ (H):%Q—yZZ—l & (C):X2+y2:

o/ ()X L E (O

7/ (C):(x+2) +yP =4 & (P): y* =12x

8/ (Hl):%Q—yZQﬂ & (Hg) %2—%2:1
XQ y? XQ y?

9/ (H):g—z—l & (E):Z—i—?:l.

10/ (E):%2+yzzz1 & (P):y2:12x.

11/ (H):%Q—};:l & (P):y2:2x.

12/ (E):X§+Y£:1 & (P):y* =2x.

13/ (Pl):yzx2+2x—i—2 & (P2):y—x2

Cho elip (E) : z—z + Z—z =1 ,(a > b) . Chtrng minh rang tich khoang cach tir cac tiéu diém dén
mot tiép tuyén bat ky cua elip (E) bang binh phwong d6 dai truc nho cia elip.

: b2 1. Mot tiép tuyén bat ky ctia (H) 1a d tiép xic véi (H) tai diém
T. Goi M, N 1a cdc giao diém cua tiép tuyén d véi cic dudng tiém can cia (H) .

1/  Ching minh rang T Ia trung diém cta MN.
2/ Chung minh rang dién tich AOMN khong phu thudc vao ti€p tuyen d.

. Cho parabol (P) . Chiing minh rang tiép tuyén tai hai diu mut cia ddy cung qua tiéu vudng géc

v6i nhau tai mot diém trén duong chuén.
2 2
(E), sao cho mo ti€u diém F, F, cla
a b
(E) nhin doan MN dudi mot géc vudng. Hay xac dinh vi tri M, N trén tiép tuyén éy.

2 2

. Choelip (E) : X—2 + y_2 =1 véi 0 <b < a c6 hai tidu diém F,, F,. Duong thang di dong d

a b
luon di qua F, cdt (E) tai P, Q.

1/ Pit (Ox, F,P) =0, (0<a <2r). Tinhdo dai F,P, F,Q theo a, b, .
2/  Chimg minh: NN khong doi.

EP  FQ
3/ Tim gia tri 16n nhét va gia tri nho nhét cua doan PQ.
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Bai 697.

Bai 700.

. 2 g 1. FEP FP
4/ Duong thang F P catelip ( ) tai S = P . Ching minh —2— 4+ —1_ khong doi.
2 1

, Cho diém F(—l;O) va duong thing A :x +4=0.

MF

2/ Tirdiém N thy ¥ trén duong thing A ké dugc hai tiép tuyén dén (E) va tiép xic véi (E)

. . 1
1/ Ching minh rang quy tich cdc diém M sao cho = 5 1a mot elip (E) .

tai P va Q. Chimg minh rang duong thang PQ di qua F va xdc dinh vi trf cua N dé do dai
doan PQ Ia nho nhat.

. Cho hai diém M(~2m), N(2n) vaelip (E): x* + 4y* = 4.

1/ Goi A, A, la céc dinh trén tryc 16n cua elip. Hay viét phuong trinh cdc duong thang
AN va A,M va xdc dinh toa d¢ giao diém I cua chung.

2/ Cho MN thay déi nhung ludn tiép xic véi elip (E). Tim quy tich cta diém I.

Cm) XY . . . \
Cho elip (E): it \ia A(=3;0), M(=3;0), N(3;0), N(3:n).
1/ Xéc dinh toa do giao diém I ciia AN va BM.
2/  Chung to rang dé MN tiép xiic vdi elip (E) thi diéu kién can va da 1a m, n thoa man biéu
thtc m.n = 4.
3/ Véi m,n thay dbi nhung MN ludn tiép xtc véi elip (E). Tim quy tich ciia diém I.

2

2
. Cho elip (E) : X—2 + y_2 =1 voi F,F, 1a céc ti€u diém va A, A, la cdc dinh thuc truc 16n

a b
ctia né. Ly M € (E) va H,H, lan luot theo thir ty 1a hinh chiéu vuong géc ctia F,,F, lén

tiép tuyén véi (E) tai M. Goi (C) 12 duong tron duong kinh A A, .
1/ Ching minh H,,H, € (CJ.
2/ Céc duong thang H F H,F, cit duong tron (C) theo thtr ty tai cdc diém K, K,.

12
Chting minh rang H H,K,K, la hinh chir nhat.
2 2
. Choelip (E) X— + —2 =1 véi a > b. Tiép tuyén tai M ctia elip (E) cat duong chuan A, tai
a®> b

N. Chtrng minh r@'mg tidu diém F, nhin MN du6i mdt géc vuong.

Cho elip (E) — + % =1vébia>h. Tiép tuyén tai M cua elip (E) cit hai truc toa do tai S1
a
va S, . Xdc dinh toa d§ ciia M dé AOS,S, c6 dién tich 1a nhé nhat.

2

32
. Choelip (E) X— + Z_ =1 véi a>b. TudiémK tiy y trén duong chuan A ké dugc hai tiép

a’ b’
tuyén dén (E) va tiép xic voi (E)tai hai diém H,, H,.
1/  Chung minh rang duong thing H H, diqua tiéu diém F cua elip (E) .
2/ Xdc dinh vi trf cia diém K dé doa dai H,H, nho nhat.
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2 2
BAi702. Choelip (E):— + % =1 v6ia>b. Goi A, (a,0) ladinh trén truc Ién cta elip (E). Goc
a

. Cho (El):X—2+y§:1va(E2).

vuong tA,z quay quanh A, ct (E) tai P, Q khong trung véi tim cua elip.
1/ Chung minh ring duong thang PQ ludn di qua mot diém cd dinh.
2/ Tiép tuyén cia (E) tai P, Q cit nhau tai M. Ching minh ring M chay trén mot dudng

thang ¢ dinh ma ta cAn phai tim.

2 2
. Choelip (E) : X—2 + y_2 =1 v6i a > b. Hinh chit nhat Q dugc goi 1a hinh chit nhét ngoai tiép

a b
elip (E) néu mdi canh ciia Q déu tiép xic véi (E) . Trong tat ca hinh chit nhat ngoai tiép (E) .
Hay xac dinh:
1/ Hinh chit nhat ¢6 dién tich nho nhat.
2/  Hinh chit nhét c6 dién tich 16n nhat.

y2

2
. Cho elip (E) c6 phuong trinh (E) : ?L{_G + ry = 1. Viét phuong trinh céc canh cia hinh chix

nhat ngoai tiép (E) c6 dién tich bang 15.
2 2
L

6 1

1/ Mot tiép tuyén bat ky ciia (Ez) cit (E1) tai hai diém P,(Q . Ching minh rang cic tiép
tuyén cua (E1) tai P,Q vudng gbc vai nhau.

2/ Tudiém M e (E1) ké hai tiép tuyén Mg, , Mt, dén (Ez) Chting minh rang hai géc

t,Mt,, F,MF, véi F,, F, I hai tiéu diém cta (E, ), (E,) c6 chung dwong phan gidc.

3/  Phat biéu va ching minh bai todn tong quat.
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A% % ¢

® Bit ding thirc tam gidc
Cho AABC c¢6 cac canh . Ta luén co:

° hay

Nhu vay, ta chon c6 toa do thich hop, di nhién lién quan dén bat déng thirc, chimg minh
roi sir dung mot trong hai bat dang thirc ¢ trén suy ra két qua.

@ Bét ding thirc vécto

Cho
° Déu xay ra cung phuong
° . Déu x4y ra cung phuong
° . Dau x4y ra cung phuong.
o . Do nén

Bét dang thirc dugc goi 1a bt dang thirc Bunhiacopxki.

® Cac ting dung

1/ Chitig minh bat déng thc.

2/ Giai phuong trinh.

3/ Giai bat phuong trinh.

4/ Tim gia tri 16n nhat — gia tri nho nhat.
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CHUNG MINH BAT PANG THUC

Bii 706. Cho a,b,c € R . Chitng minh: \/(a + c)2 +b? + \/(a - 0)2 +b% >2/a2 +b2.

HD: Pit u = (a +¢b),v = (a—cb).

B3i 707. Cho a,b,c € R . Ching minh: va? + 4b + 6a + 9 + va? + 4b% —2a —12b+10 > 5.
HD: Pt u = (a +3;2b);v = (1—a;3 - 2b).

Bi 708. Cho a,b,c € R . Ching minh: ya? + ab + b +va? + ac+ > > b2 4 be + ¢ .

b /3 J3

HD: bPatu=|a+—;—Db i—¢C
2° 2

c
a4+ —
2

o
y V= 1|—

Bai 709. Chung minh véi moi sb thuc a ta ludn c6: \/a2 +a+1+ \/az —a+1>2.

1\/§]~ [1 3|

HD: Dét:l: a+—;—|, v= 22

2 2 2 2

Bai 710. Cho a,b,c € R. Ching minh:
\/4COSQaCOS2b—|— sin’ (a —b) +\/4sin2asin2b + sin® (a —b) > 2.

HD: bat :1 = (QCosacosb; Sin(a — b)),:f = (QSinasinb; Sin(a — b))
Bii 711. Pai hoc An Ninh Nhan Nhén phan hiéu Tp. Ho Chi Minh nim 1998
Chting minh rang: \/; —I-\/: —I—%/; + 3/: < \/5 + é/g, Vx € [0;1}. Diu " =" xayra
khi nao ?
HD: Pit a = (L1), b= (\/;\/:) o= (%/Q%/:)

Bai 712, B dé tuyén sinh Pai hoc — Cao ding

(a—l—b)(l—ab)‘ 1
Chiing minh: < = voéimoi a,b.
‘(1+a2)(1+b2) 2
- 2 L 12
HD: Pjtu = |22 1= | o |12, 2b |
1+a” 1+a 1+b” 1+Db

Bii 713. Cho ba sé duong: a,b,c trong dé a > ¢, b > ¢. Chimg minh rang:
\/c(a —c) + \/c(b —c) < \/5. Diu " =" xay ra khi nao ?
HD: bat :1 = (\/g,\/ﬁ), ; = (\/;,\/g)
Bii 714. Cho a,b,c,d € R. Ching minh ring:
U (ad+cd) < (a2 +c?)(b? +d2).

2/ a4 4b 4 Z\/(a+b)2 —I—(c+d)2.
HD: Dét;:(a,c); ;f:(b;d).

Bai 715. Dai hoc khéi A nim 2003 ‘
Cho ba s0 duong x, y, z thoa dicu kién: x +y +2z <1.
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L 1 1 1
Chung minh rang: \/Xz +—=+ \/yz +—+ \/Z2 +— >/82.
y z

b
b - Y7l]a ; = Zal]'
y zZ
Bii 716. Du bi Cao dang Giao Thong Van Tii IT nim 2003
Cho ba s6 x,y,z bt ki. Chirng minh: \/x2 +xy 4y + \/X2 +xz+72° > \/y2 +yz +2°.

s f RERRCH z_z;o],
2 2 2 2

HD: Dit a — | x,~|:
X

HD: Dit Alx z|, B|0 , C

Bii 717. Cho a,b,c,d la cdc sb thuc bat ki.

Chung minh: \/aQ +b? 4—\/(:2 +d? > \/(a — C)Z + (b —d)2 .
HD: it M(a;b),N(c;d),0(0;0).

BAi 718. Ching minh: va® —a +1 ++a? —av3 +1 >+2 véi moia.
1 \/_ \/_ 1

-y 7,—5 ,C(&,O)

HD: DtA

B3i719. Cho a—2b+2=0.
Chimg minh: a? +b? — 6a — 10b + 34 + ya? + b? — 10a — 14b + 74 > 6.
HD: Xét d:x—2y+2=0 va A(35),B(57),C(a;b) € d.
Bai 720. Cho x,y,z la cic so0 thuc d6i mot khac nhau.
-] -1 x4
V4 l+y? 14y 1+22 \/1+X2\/1+z
HD: bat A(X; yz),B(y; ZX),C(Z; Xy).
Bai 721. Cho x,y,z la ba sé thuc bit ki thoa x + 2y + 3z = 6.
Chimg minh: V1 +x% +2J1+ v + 3y1 422 >210.

Chung minh: +

HD: bat A(l;x),B(3;X+2y),C 6;x + 2y + 3z

2
B2i 722. Cho a,b € R. Ching minh: va? + 4 + ya® — 2ab + b + 1 +b% — 6b + 10 > 5.
HD: bit A(o;—1),B(3;3),c(a;1),D(b;2) vd AC 4+ CD + BD > AB.

Bai 723. Cho x,y € R . Chting minh: \/COS4 x + cos’ y + sin® x + sin’ y > \/5 .

HD: bat ; = (0052 X;cos2 y),l_; = (sim2 X; O),g = (0; sin? y).

,0(0;0) va OA + AB + BC > OC.

Bai 724. Cho x € R . Chung minh:

\/cos4 Xx+1-— \/sin4 X + 1‘ < ‘cost‘.

—

HD: Dit a — (cos2 x;l),b - (sm2 x: 1).
Bii 725. Cho ba s thuc a,b,c théa a+b+c=1.

Chtrng minh: \/a2 —I—(b—c)2 —I—\/b2 +(c—a)2 4—\/(:2 —I—(a—b)2 >1.

HD: bat :1 :(—a;b—c),;:(—b;c—a),v‘\; :(—c;a—b).
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Bai 726.

Bai 732.

Cho a,b,c > 0 va ab 4+ bc + ca = abc.

\/b2—|—2a2 +\/CQ—|—2b2 +\/a2+202 >\/§‘

Chiing minh:

ab bc ca -
up: oo <125 iﬁ],;:[i-ﬂ].
a b b ¢ c a

. Choa+b+c=2vaax+by+cz=6.

Chimg minh: y16a% +a®® +y/16b% + b%y? +y16¢* + ¢%* > 10.
HD: bat :1 = (4&;&)(),:1 = (4b; by),v? = (4(:; cz).

GIAI PHUONG TRINH

. Gidi phuong trinh: \/X2 —2x+5 —I—\/x2 +2x 410 = \/ﬁ

HD: bat :1 = (x—1;2),:/ = (—1—X;3) va nghiém x :é

. Giai phuong trinh: \/X2 —x+1 +\/X2 +x+1=2.

HD: Patu=|x——;—
2 2

~{1f

_{ 143

—X—E —] vanghiém x = 0.

. Giai phuong trinh: \/x2—x+1+\/x2—2x+5:\/9x2—12x+13.

HD: = (2x —L1),v = (x — 1;2) va nghiém x :%

. Giai phuong trinh: \/X2 +4y* +6x +9 +\/X2 +4y* —2x —12y +10 = 5.

HD: Pit u = (x +3:2y),v=(1—x3—2y) vanghiém x :1,y:%

Giai phuong trinh:

\/X2—4x+5\/x21()x+50‘:5.

HD: bit A(2;1),B(5;5),C(x;0) va nghiém x = g

GIAI BAT PHUONG TRINH

. Giai bt phuong trinh: \/2(x—3)2+2x—2§ x—14x—3.

HD: Pit u — (x— 3;\/){—1),; — (1:1) va nghiém x = 5.

. Giéibétphuongtrinh: \/X2 +x4+1 —\/X2 —x+1<1.

HD: Dat u=

I

X+§— vanghiém x € R.

NERE

GIA TRI LON NHAT - GIA TRI NHO NHAT

. Tim gia tri nhd nhét ctia ham sé: y = \/x2 —8x + 32 +\/X2 —6x +18.
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HD: it A (x —4;,-4),B(x - 3;3),0(0;0) va miny = 5v2 khi x :%

Bai 736. Tim gi4 tri nho nhat ctia ham s6: y = \/x2 —2px + 2p* + \/x2 —2gx +2q* v6i p,q = 0.
— — 2
HD: bat u = (X—p;p),v = (q —X;q) va miny = Q(q +p ) khi x = P9
p+ q
Bai 737. Tim gi4 tri nho nhat cia biéu thirc:

P:\/2x22x+1+\/2X2+(\/§+1)X+1+\/2X2(\/gl)x+1.
31

__;__],C[—;——],M(X;X) vaP . =3khix=0.

HD: DPit A(1;1),B
2

Bai 738. Goi (x; y) 1a nghi€m cua phuong trinh: 2x 4 3y = 1. Tim cdp nghiém (x; y) sao cho biéu thirc

\/_ J2 345 395]

Bai 739. Tim gia tri nho nhat cua ham sé: y = \/(3082 X —2cosx + 2 + \/(:os2 X +6cosx +13.

P = 3x”? + 2y® nho nhit.

HD: Datu—[

]V_(\/_X\/_y) va P :%khi (xy)

HD: Dét:1:(1—cosx;1),:f:(cosx+3;2) va miny = 5.
Bai 740. Cho x*> + v = 1. Tim gid trj 16n nhét ciia biéu thic: P = xy/1+ v + y1 + x.
HD: Déta: (x;y),;:(«ll—i— ;\ll—i—x) vaP :\/2—1—\/5 khixzyz%.

Bai 741. Tim gia tri 16n nhét cta biéu thicc: P = \/a + cosx + \/a +sinx véi x € R,a > 1.

w= (11
up: 1o (1) vaP = /2(2a+\/§ khix:3+k2w,(kez).
v:(\/a+cosx;\/a+sinx) Hax 4
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