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PHAN A. CAU HOI
Dang 1. Poc dd thi ham s6

Caul. (MD 104 BGD&DT NAM 2017) Dudng cong hinh bén 1a d6 thi cia mot trong bon ham s6 dudi

day. Ham s6 do 1a ham s6 nao?
Ay

=¥

[

A. y:—x3+3x+2 B. y:x4—x2+1 C. y:x4+x2+1 D. y=x3—3x+2
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Cau 2. (Mi dé 102 BGD&DT NAM 2018) Puong cong trong hinh v& bén 1a d6 thi ciia ham s6 nao dudi
day?

¥

A y=-x+x"-1 B. y=—x'+2x"-1 C.y=x"-x*-1 D. y=x"-2x"-1
Céu 3. (MA PE 110 BGD&DT NAM 2017) Pudng cong ¢ hinh bén dudi 1a db thi cia mot trong bén ham
s0 dudi day. Ham s6 do6 1a ham so nao?
Yy

[ \J
A y=—x+3x"+1 B. y=x"-3x"+3 C.y=—x"+2x"+1 D. y=x"-2x>+1.
Cau 4. (PE MINH HOA GBD&DT NAM 2017) Puong cong trong hinh bén 1a do thi cia mot ham sb
trong bon ham s6
duoc liét ké & bén phuong an 4, B, C, D duéi day. Hoi ham sb d6 14 ham s6 nao?

Yy

0 \/.’1)>

A. y=x"-3x+1 B. y=—x’+3x+1 C.y=x'-x*+1 D. y=—x"+x-1

Cau 5. (M 103 - BGD - 2019) Db thi ham sb nao duéi diy c6 dang nhu dudng cong trong hinh vé& bén?
I ) Yy

\ | .

J T
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A y=x"-3x"-2. B. y=x'-2x"-2. C.y=-x+3x"-2. D. y=—x"+2x"-2.

Cau 6. (M dé 101 - BGD - 2019) D6 thi ctia ham sé nao dudi day c6 dang nhu dudng cong trong hinh v&
bén?

4
Y

IO
A, y=x -3x"+3. B.y=—x+3x>+3. C. y=x"-2x>+3.s D. y=—x"+2x" +3.

Cau7. (Midé 101 BGD&DT NAM 2018) Puong cong trong hinh v& bén 1a d6 thi ciia ham sb nao dudi
day?

A y=x-3x"-1 B. y=-x"+3x’-1 C.y=-x"+3x"-1 D. y=x"-3x"-1

Cau 8. (Mi dé 104 - BGD -2019) B thi ham s6 nao dudi day co dang nhu dudng cong trong hinh v& bén?
y A
N A
/ \\ / \
\ |/ |
|/
/
y \
/ /
0 g
o

A, y=2x"-4x"+1 B. y=-2x"+3x+1 C. y=2x"-3x+1 D. y=-2x"+4x"+1

Cau9. (Mai 102 - BGD - 2019) D) thi ctia ham s6 nao dudi day co dang nhu dudng cong trong hinh vé& bén
Y

/] -
\/ (@) \ >

A. y=—x +3x+1. B. y=x"—-3x+1. C. y=x"-2x"+1. D. y=—x"+2x>+1.

Cau 10. (DE THAM KHAO BGD&DT NAM 2018-2019) Dudng con trong hinh v& bén 1a do thi ciia ham
s0 nao dudi day?
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1
|

[N

\(\“ -
2x—1 +1

A y=2 B. y=21- C.y=x"'+x"+1 D. y=x’-3x-1
x—1 x—1

Cau 11. (Mi dé 104 BGD&DT NAM 2018) Puong cong trong hinh v& bén 1a d6 thi ciia ham sb nao dudi
day?

A Y

A y=x"-x"-2 B. y=-x'+x*-2 C.y=—x+3x’-2 D.y=x"-3x*-2
Céu 12. (MD 103 BGD&DT NAM 2017-2018) Pudng cong trong hinh v& bén 13 d6 thi cua ham sb nao dudi
day?

N

y

N 5

A y=x-3x-1 B. y=x"-3x"-1 C.y=-x"-3x-1 D. y=—x"+x>-1
Cau 13. (VA DE 123 BGD&DT NAM 2017) Puong cong ¢ hinh bén 1a dd thi cua mot trong bén ham s6
dudi day. Ham s6 do6 1a ham s6 nao?
LR

o

SV

A y=x'-x"-1 B.y=-x'+x"-1 C.y=x"-x"-1 D. y=—x"+x"-1
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Céu 14. (PE THAM KHAO BGD & DT 2018) Pudng cong trong hinh bén 1a ctia d6 thi ham sb nao dudi
day?

A y=x-3x"+2 B.y=—x"+3x"+2 C.y=-x"+2x"+2 D.y=x"-2x"+2
Cau 15...MAT DPE ROI HAHA!

Céu 16. (MA DE 123 BGD&DT NAM 2017) Dudmg cong & hinh bén 1 db thi cta ham sé y = 2 Z v6i
cx +
a,b,c,d 1a cac sb thuc. Ménh dé nao dudi day dung?
Vi
— R}
A Yy <0,VxeR B. y>0,Vx=1 C.y<0,vx=1 D. y'>0,vxeR
Cau 17. (MP 105 BGD&DT NAM 2017) Dudng cong & hinh bén 1a db thi cia ham sé y = ”“Z voi
cx+
a,b,c,d 1a cac s6 thuc. Ménh dé nao dudi day dung?
v
1
__‘-EE)‘\ 2 =
A y'>0,vx=1 B. y'<0,Vx=1 C.y <0,Vx#2 D.y'>0,V#2

Céu 18.Cho ham s y = ax® + bx* + cx + d c¢6 d thi nhu hinh v& bén. Ménh dé nao dudi diy dung?
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A.a<0,5>0,¢>0,d<0 B. a<0, b<0, >0, d<0.
C.a>0,b<0,¢c<0,d>0 D.a<0,5>0,¢<0, d<0.

Céu 19. (THPT YEN PHONG 1 BAC NINH NAM HOQC 2018-2019 LAN 2) Hinh v& sau ddy 13 d6 thi cta
mot trong bon ham s6 cho & cac dap an 4, B,C, D . Hoéi d6 1a ham s6 nao?

Ay
12
1
\ / .
-2 [ -1 o T T
A, y=x+2x+1. B. y=x’-2x"+1. C.y=x-2x+1. D.y=—x +2x+1.

Cau 20. (THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham sb
y=ax'+bx* +cx+d(a#0) cé do thi nhu hinh v& duéi day. Chon khang dinh ding vé dau cua a, b, ¢, d
?

»

}?

A.a>0,b>0,d>0,c>0 B.a>0,c¢c>0>b,d<0
C.a>0,b>0,¢>0,d>0. D.a>0,b<0,¢c<0,d>0

Céu 21. (KSCL THPT NGUYEN KHUYEN LAN 05 NAM 2018-2019) Cho ham s6 y =ax* +bx* +¢ ¢
dd thi nhu hinh bén. Ménh dé nao duéi ddy la ding?
2 Y

A.a>0b<0,c>0 B.a>0,b<0,c<0 C.a>0,b>0,c<0 D.a<0,b>0,c<0
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Cau 22. (DE THAM KHAO BGD&DT NAM 2017) Cho duong cong hinh v& bén 1a do thi ctia mot ham s6
trong bon ham so6 duogc liét ké & bon phuong an A, B, C, D dudi day. Hoi d6 1a ham s6 nao?

6

5

4

4 -3 2 o / 1 2 3 4
El

2x+1 2x+3 2x—1 2x-2
A y==E B. y==2 c.y==2 D. y=22
x—1 x+1 x+1 x—1
Cau 23. (CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Cho ham s§ y =2~ 2 co dd
cxX +
thi nhu sau.
O >
Ménh d& nao sau day dung?
A. ac>0; bd >0 B. ab<0; cd <0 C. bc>0; ad <0 D. ad >0; bd <0

Céu 24. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Ham s6 y =ax’ +bx* +cx+d co dd
thi nhu hinh vé bén dudi:

X

Yy
/\'2
1o] \1 X
Khiang dinh nio 1a dung?
A.a<0,b<0,c<0,d<0. B.a>0,b>0,c>0,d<0.
C.a>0,b>0,c<0,d>0. D.a>0,b<0,c<0,d>0.
R , . N .z (a—l)x+b o
Cau 25. (TOAN HQC TUOI TRE NAM 2018 - 2019 LAN 01) Cho ham s y:m, d <0 codd
cC—1)X

thi nhu hinh trén. Khang dinh nao dudi day 1a dung?
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"

I E——

\4\C)‘ .
|
A.a>1b>0,c<]l. B.a>1b<0,c>1. C.a<lb>0,c<l. D.a>1b>0,c>1.

Cau 26. (THPT BA DINH NAM 2018-2019 LAN 02) Cho ham sé y = 2 c6 db thi nhu hinh bén dusi,
X+c

véi a, b, ceZ . Tinh gia tri cta biéu thitc T=a+2b+3¢?

- “.

0 .

1 2"\-...______‘_‘_:
=
A. T=-8. B.T=2. C.T=6. D. T=0.

Céu 27. (SO GD&DT NINH BINH LAN 01 NAM 2018-2019) Cho ham s§ y =ax* +bx* +¢ (a#0)co dd

thi nhu hinh v€ dudi day.
Ay

@]
Ménh dé nao dudi day dung?

A.a<0,b5>0,¢c<0. B.a<0,b<0,c>0.
C.a<0,b>0,c>0. D.a<0,b<0,c<0.

Céu 28. (THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Cho ham s6 y = ax® +bx> +cx+d c6 dd
thi nhu hinh vé bén.

0 \ x

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 8
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A.a<0,b>0,¢>0,d>0 B.a<0,6<0,¢c=0,d>0
C.a<0,b>0,¢c=0,d>0 D.a>0,b<0,¢>0,d>0

Céu 29. (GKI THPT VIET PUC HA NOI NAM 2018-2019) Cho ham s6 y =ax’ +bx* +cx+d c6 db thi

nhu hinh bén. Trong cdc ménh dé sau m¢nh dé nao dung?
\Y

/N

@]

=\

A. ab<0,bc>0,cd <0 B. ab<0,bc<0,cd >0
C.ab>0,bc>0,cd <0 D. ab>0,bc>0,cd >0

Céu 30. (GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Cho ham s§ y =ax’ +bx* +cx+d
c6 dd thi nhu hinh duéi. Khing dinh nao sau day dung ?

“}r
gy E
i
A.a<0,b<0,c<0,d <0 B.a<0,b>0,c>0,d >0
C.a<0,b>0,c<0,d>0 D.a<0,b>0,c>0,d <0

Céu 31. (THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Cho ham s6 y = ax* +bx* +¢ c6 db thi
nhu hinh v&. Ménh dé nao dudi day ding ?

A.a>0,b<0,c<0. B.a<0,b<0,c<0. C.a<0,b>0,c<0. D.a>0b<0,c>0

Dang 2. D6 thi ham s6 chira ddu gia tri tuyét doi

Ciu 32. (DE THAM KHAO BGD&DT NAM 2017) Him sb y = (x— 2)(x2 —1) c¢6 dd thi nhu hinh vé& bén.

Hinh nao dudi day 1a o thi cua ham s6 y =|x—2|(x* ~1)?
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! | ;
\ \ .l'll .'l
/ \ I
A Ji I
/”-’“’l L hinh2 L hinhd N/ : o+
fenhd

A. Hinh 1 B. Hinh 2 C.Hinh 3 D. Hinh 4

Cau 33. (THPT LE XOAY VINH PHUC LAN 1 NAM 2018-2019) Cho ham s& y=x>—6x* +9x ¢6 d6 thi
nhu Hinh 1. D6 thi Hinh 2 1a do thi ham s6 nao dudi day?

v
ILH

L]
"
L]
e ] -l-l-! FEEssEES

[ EEE T P T L e

Es
_ xr
3 -2 -T o1 2 3
A, y=|f" =6 +9[x]. B. | =6x" +9[x|+1. C. —x’ +6x" =9x.  D. |x’—6x"+9].

Ciu 34. (GKI THPT VIET DUC HA NOI NAM 2018-2019) Cho ham s6 y = f(x) c6 do thi ham s
v =f(|x|) nhu hinh vé.

1
Navl A
0
-4
Chon két luan ding trong cac két luan sau:
A. f(x)==x"+x"+4x-4 B. f(x)=x'—x’—4x+4
C. f(x):—x3—x2+4x—4 D. f(x):x3+x2—4x—4.
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Dang 3. Bai toan tuwong giao
Dang 3.1 Bai toan twong giao do thi thong qua do thi, bang bién thién

Céu 35. (Ma dé 101 - BGD -2019) Cho ham s6 f'(x) c6 bang bién thién nhu sau:
x —a -2 0 2 +an

f(x) + 0 -0+ 0o -

R /3\

S6 nghiém thuc ciia phwong trinh 2 f (x) -3=01a

A. 2. B. 1. C. 4. D. 3.
Céu 36. (Ma 103 - BGD - 2019) Cho ham sd f(x) bang bién thién nhu sau:
I — —1 2 | ERt"
fliz) - 0 0 -
T

i \ o L\_ —~

S6 nghiém thyc ciia phuong trinh 2 /(x)-3=0 la
A.3. B.0. C. L D. 2.
Céu 37. (Ma dé 101 BGD&DT NAM 2018) Cho ham s6 f(x)=ax’ +bx’ +cx+d (a,b,c,d €R). Do thi

ciia ham s6 y = f(x) nhu hinh v& bén. S6 nghiém thyc cua phuong trinh 3/ (x)+4=0 1a

N3
\

-

A. 2 B. 0 C.1 D. 3
Céu 38. (Mi dé 102 BGD&DT NAM 2018) Cho ham s6 f(x)=ax" +bx’ +¢(a,b,c € R). Do thi cua ham
s6 y = f(x) nhu hinh v& bén.

.
L.
F
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S6 nghiém ctia phuong trinh 4/ (x)-3=01a

A. 2 B. 0 C.4 D.3
Céu 39. (MD 103 BGD&DT NAM 2017-2018) Cho ham s y = £ (x) lién tuc trén [-2;2] va c6 dd thi nhu

hinh v& bén. S6 nghiém thuc cta phuong trinh 3 f (x) —4 =0 trén doan [—2; 2] la

A. 4. B. 3. C. 1. D.2.
CaAu40. (Ma 102 - BGD - 2019) Cho ham s6 f(x) c6 bang bién thién nhu sau

X -0 -2 0 2 +o0

- 0 + 0 — 0 +

w\/\/w

S6 nghiém thuc ctia phwong trinh 3 £ (x) -5=01a
A. 3. B. 4. C.0. D. 2.

()

9

Céu 41. (M4 dé 104 - BGD - 2019) Cho ham s6 f'(x) c6 bang bién thién nhu sau:

x — -1 2 +

f"[_y] - 0 +
+0

S6 nghiém thuc ciia phuong trinh 2/(x)+3=0 1a
A. 0. B. 1. C. 2. D. 3.

k2|

Céu 42. (MA DE 110 BGD&DT NAM 2017) Puong cong ¢ hinh bén 1a d thi ctia ham sé y = ax* +bx* +¢
,VGi a,b,c 1a cac sb thuc. Ménh dé nao dudi day dang?
yl

s

A. Phuong trinh y' =0 v6 nghiém trén tap s6 thuc
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B. Phuong trinh ' =0 c6 ding mo{t nghi¢m thuc
C. Phuong trinh " =0 c6 dung hai nghiém thyc phan biét
D. Phuong trinh y"=0 c6 diing ba nghiém thuc phan biét

Céu 43. (Mi dé 104 BGD&DT NAM 2018) Cho ham s6 y = f(x) lién tuc trén doan [-2;4] va c6 dd thi
nhu hinh v& bén. S6 nghiém thuc ctia phuong trinh 3 /(x)—5=0 trén doan [—2;4] la

Y

6

A. 2 B. 1 C.0 D. 3

Cau 44. (THPT CU HUY CAN NAM 2018-2019 LAN 01) Cho ham s§ y = f(x) c¢6 d thi nhu hinh v&.
A Y
4

Kl

S6 nghiém thuc ciia phuong trinh 4 f(x)—7=0
A. 2. B. 4. C. 3. D. 1.

Céu 45. (THPT LE QUY DON DIEN BIEN NAM 2018-2019 LAN 01) Cho ham sé y = f(x) c¢6 bing

bién thién nhu sau

T — oo -2 3 + oo
y' + 0o - 0 +
7 +00

S6 nghiém ctia phuong trinh f(x)-2=0 la
A. 1l B.2 C.3 D. 4

Céu 47. (THPT YEN PHONG 1 BAC NINH NAM HQC 2018-2019 LAN 2) Cho ham s6 y = f(x) ¢6

bang bién thién sau day.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 13
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x —0 0 2 +an
V' — 0 + 0 —
+x 3

Hoi phuong trinh 2. f(x)—5=0 c6 bao nhiéu nghiém thyc?

A. 0. B. 1. C. 3. D. 2.
Ciu 48. (GKI THPT LUONG THE VINH HA NQI NAM 2018-2019) Cho ham s6 y = f(x) c6 bang bién
thién nhu hinh bén.

T 00 1 3 +00
y' 0 0

4 00
Y / \ : w

S6 nghiém ctia phuong trinh £ (x) -3=01a
A. 3 B. 2 C.1 D. 0

Ciu 49. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) lién tuc
trén R va c6 d6 thi nhu hinh v&.
¥

S6 nghiém cua phuong trinh ‘ f (x)‘ =2 1a

A. 3. B. 2. C.4. D. 6.
Céu 50. (THPT - YEN DINH THANH HOA 2018 2019- LAN 2) Cho ham s y = f(x) lién tuc trén doan

[—2; 2] va c¢6 do thi 1a duong cong nhu hinh v& bén. Tim s nghiém ciia phuong trinh |f (x)| =1 trén doan
[—2; 2].

A. 3. B. 5. C.6. D. 4.
Céu 51. (MP 105 BGD&DT NAM 2017) Cho ham sb y = (x —2)(x2 + 1) ¢6 dd thi (C). Ménh dé nao dusi
day dung?

A. (C) cat truc hoanh tai mot diém. B. (C ) cit truc hoanh tai ba diém.

C. (C) cat truc hoanh tai hai diém. D. (C ) khong cit truc hoanh.

Dang 3.2 Bai to4n twong giao do thi théng qua ham sb cho truéce
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Céu 52. (PE MINH HOA GBD&DT NAM 2017) Biét rang dudng thang y=-2x+2 cat do thi ham sb

y=x"+x+2 tai diém duy nhat; ki hiéu (x,;,) 1a toa d6 cua diém d¢. Tim y,
A. y,=4 B. y,=0 C.y,=2 D. y,=-1

Céu 53. (DE THAM KHAO BGD&DT NAM 2017) Cho ham s6 y =x’ —3x ¢6 dd thi (C). Tim s0 giao
diém cua (C) va tryc hoanh.

A.2 B.3 C.1 D. 0
Céau 54. (THPT YEN KHANH - NINH BINH - 2018 - 2019) Cho ham s6 y =x* —3x” ¢6 d thi (C). S6
giao diém cua do thi (C) va duong thing y=2 1a

A. 2. B. 1. C.0. D. 4.
Cau 55. (CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Biét ring duong thing

y=4x+5 catdd thi ham sé y =x’ +2x+1 tai diém duy nhat; ki hiéu (x05¥,) latoa do cua diém d6. Tim y,
A. y,=10. B. y, =13. C.y,=11. D. y,=12.

Céu 56. (THPT - YEN PINH THANH HOA 2018 2019- LAN 2) Goi P 1a s giao diém cua hai d6 thi
y=x —-x"+1va y=x"+1. Tim P.

A. P=0. B. P=2. C. P=1. D. P=3.
Ciu 57. (THPT YEN PHONG 1 BAC NINH NAM HOQC 2018-2019 LAN 2) D) thi cta ham s
y = —z* — 32° + 1 cét truc tung tai diém c6 tung d6 bao nhiéu

A.-3. B. 0. C. 1. D.-1.

Cau 58. (GKI THPT VIET PUC HA NOI NAM 2018-2019) S6 giao diém cua dudng cong
y=x"=2x>+2x+1 va dudng thing y=1-x 1a

A. 1 B. 2 C.3 D. 0
Céu 59. (THPT QUANG TRUNG PONG PA HA NOI NAM 2018-2019) Tim sb giao diém cua d6 thi
ham s6 y =vx*—4+5 va duong thing y=x

A. 3. B. 0. C. 2. D. 1.

Dang 3.3 Bai todn tim m dé phwong trinh f(x) = f(m) thoa mén diéu kién cho trwéc khi biét do thi,
BBT cua f(x)

Céu 60. (MD 104 BGD&DT NAM 2017) Cho ham s6 y = —x* + 2x* ¢6 d6 thi nhu hinh bén. Tim tit ca cac

gia trj thyc ctia tham sé m dé phuong trinh —x* +2x* =m c6 bén nghiém thuc phan biét.

____________

=V

A. m<1 B.m>0 C.0<m<1 D.0<m<l1
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Cau 61. (THPT GANG THEP THAI NGUYEN NAM 2018-2019) Cho ham s6 y = f(x) c6 d6 thi nhu

hinh vé:
y ik

O T

—4
Tim s6 nghiém thuc phén biét ciia phuong trinh f(x) =1+m?.

A.2. B. 1. C.0. D.3.
Ciu 62. (CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Cho ham s6 y = f(x) ¢6 b

thi nhu sau.

Tim tit ca cac gia trj ciia tham s6 m dé phuong trinh 2 f (x) +3m—3=0 c6 3 nghiém phan biét.

A. —1<m<§ B. —§<m<1 C. —%Smﬁl D. —lﬁmﬁg

Céu 63. (HQC MAI NAM 2018-2019-LAN 02) Cho ham s6 y = f(x) c6 d0 thi nhu hinh v& bén.

Khi d6, diéu kién ddy du ctia m d€ phuong trinh f(x)=m c6 bén nghiém thuc phan biét la
A. m<=2. B. 2<m<l. C. m=1. D. m>1.

Céu 64. (HSG BAC NINH NAM 2018-2019) Cho ham s y = f (x) c6 bang bién thién nhu sau
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X -0 -3 —1 0 2 +o0

y

o

T Z NN

Tim tat ca céc gid tri cta tham s6 thue m dé phuong trinh f (x)=m ¢6 5 nghiém phan biét.
A. 2<m<3 B. 5<m<3 C. 2<m<0 D. 2<m<0
Cau 65. (SO GD&DPT QUANG NINH NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) xac dinh, lién tuc
trén R va c6 bang bién thién nhu sau:
x| —on -1 0 1 400
v - 0 + 0 - 0 +

v WJ\_I 0\ } /ﬁg

Tim tat ca cac gia trj thuc cia m dé phuong trinh f(x)—1=m c6 dung hai nghiém.

A.m>0, m=-1. B. 2<m<-1. C.m2-1, m=-2. D.m>-1, m=-2,
Dang 3.4 Bai toan tim m dé phwong trinh |f(x)|=f(m) théa man diéu kién cho trwéc khi biét dd thi,
BBT f(x)

Ciu 66. (CHUYEN HA LONG NAM 2018-2019 LAN 02) Haim s6 f(x)=ax"+bx’ +c (a, b,ceR) ¢

bang bién thién

x —0 - % 0 % +00
Fiz) 7 0 + 0 - 0 +
+o0 2 +00
f(x) \ 1 / \ 1 /
4 4

C6 bao nhiéu s nguyén m dé phuong trinh ‘ f (x)‘ =3m c6 dung 8 nghiém phan biét

A. V0 s0. B. 1. C.4. D. 2.
Céu 67. (THPT THIEU HOA — THANH HOA NAM 2018-2019 LAN 01) Hinh v& bén 1a d6 thi cua mét
ham sb tring phuong y = f(x). C6 tit ca bao nhiéu gia tri nguyén m dé phwong trinh |2 f (x)| =m ¢cO 6
nghi¢m thuc phan biét?

A.5 B. 6 D. 3
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Dang 3.5 Bai toan twong giao dwong thiang véi do thi ham s béc 3

Cau 68. (MA DE 123 BGD&DT NAM 2017) Tim tit ca cac gia tri thuc cta tham s6 mdé dudng thing
y =mx—m+1cat d6 thi ham sé y = x° —=3x* +x+2 tai ba diém A, B,C phan biét sao AB=BC

A. me(—%ﬁooj B. me(—2;+oo) C.meR D. me(—oo;O)u[4;+oo)

Cau 69. (MA DE 110 BGD&DT NAM 2017) Tim tit ca cac gia tri thuc cua tham sé m dé duong thing
y=-mx cit do thi cuia ham s6 y = x’ —3x> —m+2 tai ba diém phan biét 4, B,C sao cho AB=BC.

A. me(—o0;—1) B. m & (—o0:+0) C. me(1:+) D. me(-x;3)
Céu 70. (THPT BACH PANG QUANG NINH NAM 2018-2019) Tim tit ca céc gi4 trj thuc cia tham sb
m dé @0 thi ham s6 y = x* —3x? cit duong thang y = mtai ba diém phén biét.

A. me(—0;—4). B. me(—4;0). C. me(0;+0).D. m e (—0;—4)U(0;+0).
Céu 71. (CHUYEN BAC NINH NAM 2018-2019 LAN 03) Tim tét ca cac gié tri cua tham sb m dé phuong
trinh x’ +3x* —2 = m c6 ba nghiém phan biét.

A. me(2;+x]. B. me(—0;-2]. C. me(-2;2). D. me[-2;2].
Céu 72. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Tim tit ca cac gia trj thuc ctia tham sd
m dé d6 thi ham s6 y=x’ —3x> 42 (C) cit duong
thang d : y = m(x —1) tai ba diém phan biét X5 X5 X5

A. m>-—2. B. m=-2. C. m>-3. D. m=-3.
Céu 73. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 02) Duong thang A c6 phuong trinh
y=2x+1 cat dd thi ciia ham s y =x’ —x+3 tai hai diém 4 va B vdi toa do dugc ki hiéu lan luogt 13
Alx;;y,)va B(xB;yB) trong d6 x, <x,.Tim x; +y,?

A, Xy +y,=-5 B. x, +y,=-2 C.x;+y,=4 D. x, +y, =7

Céu 74. (THPT BA DINH NAM 2018-2019 LAN 02) Cho ham s6 y=x’+3mx’ —m’ ¢6 db thi (C,) va
dudng thang d : y =m’x+2m’. Biétrang m,,m,(m, >m,) 1a hai gia tri thuc cia m dé duong thang d cét do
thi (C,) tai 3 diém phan biét c6 hoanh do x;, x,, x, thda man x,* +x,* +x,* =83 . Phat biéu nao sau day la
diing vé quan hé giira hai gid tri my, m,?

A.m+m, =0, B. m’+2m, > 4. C.m,>+2m, >4. D. m—m,=0.
Céu 75. (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Puong thang A c6 phuong trinh
y=2x+1 cat d6 thi cua ham s y=x"—x+3 tai hai diém 4 va B véi toa do duge ki hiéu lan luot la
A(x,;p,)va B(xy;p,) trong d6 x, <x,. Tim x, + y,?

A xz+y,=-5 B. x,+y,=-2 C.x,+y,=4 D. x, +y,=7
Céu 76. (CHUYEN LE QUY PON PIEN BIEN NAM 2018-2019 LAN 02) Goi S 14 tap tit ca cac gia tri
thuc cta tham s6 m dé phwong trinh 2x* —3x” = 2m+1 c6 dung hai nghiém phan biét. Tong cac phan tir cia
S bang

1 3 5

A ——. B. —. C.——. D.l.
2 2 2 2
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Cau 77. (THPT MINH KHAI HA TINH NAM 2018-2019) Tim tat ca céc gia tri thuc ctia tham s6 m dé
duong thang y =—x+5 cat do thi ham s6
y=x"+2mx>+3(m—1)x+5 tai 3 diém phan biét.

m#— m# —
m<1 3 3 m<1
A. . B. . C. . D. .
m>2 m<l1 m<l1 m>2
mz2 m>?2

Céiu 78. (THPT LUONG THE VINH HA NQI NAM 2018-2019 LAN 1) Cho ham s bac ba y = f'(x) ¢6
dd thi (C ) nhu hinh v&, dudng thang d c6 phuong trinh y = x—1. Biét phuong trinh f (x) =0 c6 banghiém
X, <x, <x,.Gid trj cia x,x, bang

7 5

A. 3. B. ——. C. 2. D. ——.
3 2

Ciu 79. (CHUYEN LE THANH TONG NAM 2018-2019 LAN 01) C6 bao nhiéu gia trj nguyén cua tham
s6 me[-2018;2019] d¢ d6 thi ham s6 y=x"—3mx+3 va duong thang y =3x+1 c6 duy nhat mot diém

chung?
A. 1. B. 2019. C. 4038. D. 2018.

Céu 80. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Phuong trinh x* — 6mx + 5 = 5m?
¢6 3 nghiém phén biét 1ap thanh cap sé cong khi

A. m=0. B. m=-lvm=1. C. m=1. D. med.
Dang 3.6 Bai toan twong giao ciia dwdng thiang véi do thi ham s nhét bién

x—1

Cau 81. (Mi dé 101 BGD&DT NAM 2018) Cho ham s6 y = c6 d6 thi (C). Goi I la giao diém cla

x+2
hai dudng ti€ém cén cua (C ) Xét tam giac déu ABI c6 haidinh 4, B thudc (C ), doan théng AB ¢6 d0 dai
béng:

A. 243 B. 2 C.2\2 D. V6
Céu 82. (Ma dé 102 BGD&DT NAM 2018) Cho ham s6 y = i—: c6 dd thi (C). Goi  1a giao diém cua
hai tiém can cua (C ) Xét tam giac déu 4B c6 hai dinh 4, B thudc (C ) , doan thang AB c6 d6 dai bang
A.3 B. 2 C. 2\2 D. 23
Céu 83. (Ma dé 104 BGD&DPT NAM 2018) Cho ham s y = ’; j c6 @6 thi (C). Goi I la giao diém cia
hai tiém can cua (C ) Xét tam gidc déu ABI c6 haidinh 4, B thudc (C ), doan théng AB ¢6 d0 dai bé“lng
A. 6 B. 243 C. 242 D. 3
Céu 84.Cho 13 d6 thi ham s6 y = 2;:11 . Tim k dé duong thang d : y = kx+ 2k +1 cit tai hai diém phan
biét A, B sao cho khoang cach tir A dén truc hoanh bang khoang cach tir B dén truc hoanh.
A. 1. B.% C.-3. D. -2.
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2x+1

Céu 85. (SO GD&DT HA NOI NAM 2018-2019) Biét duong thang y = x—2 cat d6 thi ham s6 y =

x—1
tai hai diém phan biét 4, B c6 hoanh d¢ lan lugt x,,x,. Khi d6 gia tri cia x, +x, bang
A. 5. B. 3. C.1. D. 2.

Céu 86. (DE MAU KSNL PHQG TPHCM NAM 2018-2019) Puong thing y = x+2m cét dd thi ham sb
y= x_—? tai hai diém phan biét khi va chi khi
X+
-1 m<—1 -
AT B. : c.|m<3 D. 3<m<l.
m>3 m23 m>1

Céu 87. (GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Tim diéu kién ctia m dé duong
thang y = mx+1 cat do thi ham s6 y = x—_':’ tai hai diém phén biét.
X+
A. (—0;0]U[16;+0)  B. (16;+) C. (—0;0) D. (—o0;0)U(16;+0)

Ciu 88. (CHUYEN LE QUY PON QUANG TRI NAM 2018-2019 LAN 01) Goi M (a; b)1a diém trén

d6 thi ham s6 y = x-2 sao cho khoang cach tir M dén duong thiang d:y=2x+6 nho nhét. Tinh
x
(4a+5) +(26-7)".
A. 162. B. 2. C. 18. D. 0.

Céu 89. (TOAN HQOC TUOI TRE NAM 2018 - 2019 LAN 01) C6 bao nhiéu gia trj cia m dé o thi cua

ham sé y = % cit duong thang y=x —m tai hai diém phan biét 4, B sao cho goc giita hai duong thing

04 va OB bang 60°( véi O 1a gbc toa do)?
A. 2 B. 1 C.3 D. 0

Céu 90. (THPT LE QUY PON PIEN BIEN NAM 2018-2019 LAN 01) Pé duong thing d: y=x—m+2
’ N . I4 2 . . - R .
cat do thi ham s6 y = _xl (C ) tai hai di€ém phan bi¢t 4 va
x —

B sao cho d6 dai AB ngdn nhat thi gia tri cia m thudc khoang nao?
A. me(—4-2) B. me(2;4) C. me(-2;0) D. me(0;2)

Céu 91. (TRUONG THPT LUONG TAI SO 2 NAM 2018-2019) Biét rang dudng thiang y = 2x+2m ludn

2

‘ A C1s X X . . 4e2 n A L. e e, e, X . . n
cat do thi ham s6 y = tai hai diém phan biét 4, B v4i moi gid tri cua tham s6 m. Tim hoanh dd trung

) x+1
diém cua AB?
A. m+1 B. —-m-1 C. 2m-2 D. 2m+1

Cau 92. (CHUYEN KHTN NAM 2018-2019 LAN 01) Tim m dé dudng thing y =2x+m cat do thi ham

, +3 , ,
s6 =27 tai hai didm M, N sao cho do dai MN 1a nho nhét.

x+1
A. 3. B. —1. C. 2. D. 1.
Céu 93. (THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 01) Goi (# ) 12 d6 thi hams6 y = 2x +13
X+

.Piém M (xo ; yo) thudc (H ) co téng khoang cach dén hai duong tiém cén la nho nhéat, véi x, <0

khi d6 x, + y, bang
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A. -1. B. 2. C. 3. D. 0.

X

Ciu 94. 4 va B 14 hai diém thudc hai nhanh khac nhau ctia do thi ham s6 y = . Khi d6 d6 dai doan AB

. L s x=2
ngan nhat bang
A 42, B. 4. C. 2V2. D. 24/2.
Dang 3.7 Bai todn twong giao ciia dwong thang véi ham sé khac (chira tham s)

x=3 x-2 x-1 «x
+ + +
x—2 x-1 x x+1
y=|x+2|—x+m (m la tham sb thuc) c6 d6 thi lan lugt 1a (C,) va (C,). Tap hop tat cd céc gid tri ctia m

dé (C,) va (C,) cét nhau tai ding bon diém phan biét 1a
A. [2;+oo). B. (—00;2). C. (2;+oo). D. (—00;2].

Cau 95. (Ma dé 101 - BGD - 2019) (Ma d 001) Cho hai ham s6 y= va

-1 X x+1 x+2
+ - -

Cau 96. (M 103 - BGD - 2019) Cho hai ham s§ y =2 va y=|x+2/-x-m (m 1

X x+1 x+2 x+3
tham s thuc) c6 d6 thi 1an lugt 1a (C,),(C, ). Tap hop tat ca cc gié tri cua m dé (C,) va (C,) cét nhau tai
dung bon diém phan biét 1a

A. (—2;+oo). B. (—oo;—2]. C. [—2;+oo). D. (—oo;—2).

X x+1 x+2 x+3
’ ‘ ‘ x+1 ) x+2 x+3 x+4 7 )
tham s6 thyc) ¢6 do thi lan luot la (C,) va (C, ). Tap hop tat ca cac gié tri cia m d¢ (C,) va (C,) cdt nhau
tai dung 4 diém phan biét [a

A. (—033]. B. (—0;3). C. [3;+). D. (3;+%).

CAau 97. (M 102 - BGD - 2019) Cho hai ham s y= va y=|x+1|—x+m (m la

x—2 x-1 x x+1
+ + + va y=|x+1|—x—m (m
x—1 x x+1 x+2
1a tham s6 thuc) c6 d6 thi 1an luot 1a(C,) va (C,). Tép hop tat ca cac gia tri cia m dé (C) va(C,) cit nhau
tai ding bdn diém phan biét 1
A. (—oo;—3). B. [—3;+oo). C. (—oo;—3]. D. (—3;+oo).

CAau 98. (M dé 104 - BGD - 2019) Cho hai ham s y =

Ciu 99. (SO GD&DT BAC GIANG NAM 2018-2019 LAN 01) Goi S 1a tap hop céc gia tri nguyén duong
cua tham s§ m dé phuong trinh /x> —x +1++vx> —=3x+9 =7—m c6 nghiém. S6 phén tir ciia § 1a

A. 3. B. 4. C.2. D. 5.
Cau 100. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Tap tt ca cac gia tri ciia m dé phuong
trinh x® 4+ 6x* —m’x’ + 3(5 — mz)x2 —6mx+10=0 c6 dung hai nghiém phén biét thudc %; 2 1a S =(a;b]

. Tinh T=5a+8b.

A.T=18. } B. T=43. C. T=30. D. T=31.
Cau 101. (HOC MAI NAM 2018-2019-LAN 02) Co6 bao nhiéu gid tri nguyén m d€ phuong trinh
cos’ x—3cos” x—m =0 ¢ nghiém?

A. V0 s0. B. 3. C. 4. D. 5.
Céu 102. (THPT THIEU HOA — THANH HOA NAM 2018-2019 LAN 01) C6 bao nhiéu s6 nguyén m
dé phuong trinh x* (|x|-3)+2-m*(|m|-3)=0 c6 4 nghiém phan biét.
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A.3 B. 12 C.T=7 D.5
Céau 103. (THPT QUYNH LUU 3 NGHE AN NAM 2018-2019) Tim tit ca cac gia trj thyc ciia tham sb m

‘xz—4x+3‘
dé phuong trinh (gj =m*—m*+1 c6 4 nghiém thyc phan biét

A. m<1. B. 0<m<1.

C. me(-10)u(0;1). D. -1<m<1.
Céiu 104. (THPT QUYNH LUU 3 NGHE AN NAM 2018-2019) Tim tit ca cac gia tri ciia tham sé m e R
sao cho phuong trinh v/x* +mx+2 =2x+1 c6 hai nghiém thue.

A.m>l. B.mZ—Z. C.mzi. D.ng.
12 2 2 2

Ciau105. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 01) Cho ham sb
y=x"=(3m+2)x*+3m c6 dd thi la (C,). Tim m dé dudng thing d:y=-1 cat dd thi (C,) tai 4 diém
phan biét déu c6 hoanh d6 nhoé hon 2.

A. —§<m<1 vam=0 B. —%<m<1 vam=0

C. —l<m<lvém¢0 D. —%<m<%vém¢0

Céiu 106. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 01) Tép tit ca cac gia tri cua tham sd
thue m dé phuong trinh m(v1+x ++v1—x +3)+2y1-x* =5=0

Co dung 2 nghiém thuc phéan bi¢t 1a mdt nira khoang (a;b].Tinh & —%a .

652 652 12-5V2 12-5V2
B. C.——— D. ———
7 35 35 7
Cau 107. (THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) Cho phuong trinh
¥ =3x> =2x+m—3+232x +3x+m =0. Tap S 1a tAp cac gia tri cia m nguyén dé phuong trinh c6 ba
nghiém phan biét. Tinh tong cac phén tir cia tap S .
A.15. B.9. C.0. D. 3.
Dang 3.8 Pinh m dé ham s6 f(u) th6a min diéu kién cho trwéc khi biét f(x)

A.

Céu 108. (DE THAM KHAO BGD&DT NAM 2018-2019) Cho ham s6 y = f(x) lién tuc trén R va c6
dd thi nhu hinh v& bén. Tap hop tat ca cac gia tri thuc cta tham s6 m dé phuong trinh f(sinx)=m ¢6

nghiém thugc khoang (0;7) la

ua

A (-1;3) B. [-1;1) C. [-1;3) D. (-11)

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 22




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Céu 109. (M3 103 - BGD - 2019) Cho ham sé bac ba y = f(x) c6 d6 thi nhu hinh v& duéi ddy. S6 nghiém

thuc ctia phuong trinh ‘ f (x3 —3x)‘ :% la

—= 2 I| i
7’ N
A. 7. B. 3. C.8. D. 4.
Cau 110. (M3 dé 104 - BGD - 2019) Cho ham sb bac ba y = f(x) c6 db thi nhu hinh v& bén. S6 nghiém

thuc ctia phuong trinh ‘ f (x3 — 3x)‘ :§ la

A. 10 B. 3 C.9 D. 6
Cau 111. (M3 dé 101 - BGD - 2019) Cho ham sb bac ba y = f(x) c6 @b thi nhu hinh v& bén. S6 nghiém

thuc ctia phuong trinh ‘ f (x3 — 3x)‘ :§ la

A. 7. B. 4. C.3. D. 8.

Céu 112. (Mi 102 - BGD - 2019) Cho ham s bac ba y = f'(x) ¢6 dd thi nhur hinh v& bén. S5 nghiém thuc

ctiia phuong trinh ‘f(x3 - 3x)‘ = %
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A. 6. B. 10. C.12. D. 3.

Céu 113. (THPT GIA LQC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) ¢6 bang bién

thién nhu sau

X -0 -2 0 2 + oo

S - 0 + 0 - 0 +

“INL T N

Tim m dé phuong trinh 2 f x+2019 —m=0 cd 4 nghi€ém phan biét.
A. me(0;2). B. me(-2;2). C. me(—4;2). D. me(-2;1).

Céu 114. Cho ham sé y=f (x) lién tuc trén R va c6 dd thi nhu hinh v& duéi day. Tap hop tat ca cac gia tri
thuc cta tham sb m dé phuong trinh £ (x2 +2x— 2) =3m+1 c6 nghiém thudc khoang [0;1]..

Vi
-4
/AR
[2 01~
A. [0;4]. B. [-1;0]. C. [0;1]. D. [—%;1}

Ciau 115. (PE 01 PE PHAT TRIEN PE THAM KHAO BGD&DPT NAM 2018-2019) Cho ham sb
y=f(x) lién tuc trén R va c6 dd thi nhu hinh v& dudi day. Tap hop tat ca céc gia tri thuc clia tham s6 m

dé phuong trinh £ (ex) =m c6 nghiém thudc khoang (O;1n2) .

A. (-3,0). B. (-3;3). C. (0;3). D. [-3;0]
Cau 116. (THPT CU HUY CAN NAM 2018-2019 LAN 01) Cho ham s6 y = f(x) lién tuc trén R va ¢6
d6 thi nhu hinh v&. Tap hop tit ca cac gia tri thuc ciia tham s6 m dé phuong trinh f (ln2 x) =m c6 nghiém

thudc ntra khoang (1;e]:
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rA
E

/ 40__&/ :

-1

A. [-1;3). B. [-L1). C. (-L1). D. (-1;3).

Cau 117. (LIEN TRUONG THPT TP VINH NGHE AN NAM 2018-2019) Cho ham s6 y = f(x) lién

tuc trén R va c6 do thi nhu hinh v& dudi day.

y

2 o x
=17
2
S6 cac gia tri nguyén cta tham s6 m khong vuot qua 5 dé phuong trinh f (ﬂ")— m” 1 =0 c6 hai nghiém
phan biét la
A.S. B. 4. C.7. D. 6.

Cau 118. (TT HOANG HOA THAM - 2018-2019) Cho ham s6 y = f(x) x4c dinh lién tuc trén R va c6
d6 thi nhu hinh v& C6 bao nhiéu g4 tri nguyén cia m dé phuong trinh
2.f(3—3\/—9x2 +30x—21)=m—2019 ¢6 nghiém.

A. 15. B. 11. C. 10. D. 13.
Cau 119. (THPT LE QUY PON PA NANG NAM 2018-2019) Cho ham s6 y = f'(x) lién tuc trén R va

¢ dd thi nhu hinh vé. Tap hop cac gia tri thuc cua tham s6 m dé phuong trinh (\/ 4x —x* — 1) =m c6nghiém

U / :

la
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A. [-2;0]. B. [4;-2]. C. [4;0]. D. [-L1].

Cau 120. (SO GD&DT HA NQI NAM 2018-2019) Cho ham s6 bac bén y = f(x) c6 dd thi nhu hinh v&.

S6 gid tri nguyén ciia tham s6 m dé phuong trinh f'(|x+m|)=m c6 4nghiém phan biét la

Ay
3 /
47777 .
/N |
: &
_]_ -
A. 2. B. Vo sb. C. 1. D. 0.

Céu 121. (CHUYEN PHAN BQI CHAU NGHE AN NAM 2018-2019 LAN 02) Cho ham sé y = f(x)
lién tuc trén R va c6 d6 thi nhu hinh v& dudi day.

‘
‘
‘
‘
‘
‘
‘
5\/2
1

Tap hop tat ca cac gia trj thuc clia tham s6 m dé phuong trinh f(v/4—x?) =m c6 nghiém thudc
ntra khoang [—\/5;\5) la:
A. [-1;3]. B. [-1; F(+/2)]. C. (-1; F(2)]. D. (-1;3].
Céau 122. (THPT CHUYEN DAI HQC VINH NAM 2018-2019 LAN 01) Cho ham s y = f(x) ¢6 db thi

nhu hinh vé.

C6 bao nhiéu s6 nguyén m dé phuong trinh % f (§+ lj + x =m ¢6 nghi¢m thudc doan [—2;2] ?

A. 11 B. 9 C.8 D. 10
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Cau 123. (SO GD&DT THANH HOA NAM 2018 - 2019) Cho ham s6 y = f(x) lién tuc trén R 6 do

thi nhu hinh v&. C6 bao nhiéu gia tri nguyén ciia tham s6 m dé phuong trinh f ( 2f(cos x)) =m c6 nghiém

5)
xe|—;x|.
2

A. 5. B. 3. C. 2. D. 4.

Céu 124. (THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) Cho ham s§ y = f(x) lién tuc

trén R va c6 do thi nhu hinh vé.
A
¥

L
L=
%]
28]
£

Goi m 1a s6 nghiém cua phuong trinh f( f(x)) =1. Khang dinh ndo sau day 1a ding?
A. m=6. B. m=7. C. m=35. D. m=09.

Cau 125. (TT THANH TUONG NGHE AN NAM 2018-2019 LAN 02) Cho ham sé y = f(x) lién tuc

; . . 2
trén R va c6 do thi nhu hinh v&. Téap hop tat ca cac gia tri cia m dé phuong trinh f ( f ( > al ID =m co
X"+

nghi¢m la
4
y

2

A [-12]. B. [0;2]. C. [-11]. D. [-2;2].
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Dang 3.9 Mét s6 bai toan twong giao lién quan dén do thi f(x), g(x), £(x) f(u) khac.

Ciu 126. (CHUYEN NGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) Cho ham sb
y=f(x) lién tuc trén R va c6 dd thi la dudng cong tron (khong bi giy khuc), hinh v& bén. Goi ham
g(x) =f [ f (x)] Hoi phuong trinh g'(x) =0 c¢06 bao nhi€u nghi¢m phan biét?

uk

=

s

-2 0 2

A. 10. B. 12. C. 8. D. 14.
Cau 127. (THPT-THANG-LONG-HA-NOI-NAM-2018-2019 LAN  01) Cho him  sb
f(x)=ax"+bx’ +cx* +dx+e. Ham s6 y = f'(x) c6 do thi nhu hinh v&. Trong céc khang dinh sau khing
dinh nao ding

A.a+c>0. B.a+b+c+d<0. C.a+c<b+d. D. b+d—c>0.
Céu 128. (THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y = f(x)
c6 dao ham lién tyc trén R . Biét f(0)=0 va f"(x) dugc cho nhu hinh v& bén. Phuong trinh | £(|x|)|=m (

vo1 m 1a tham s6) c6 nhi€u nhat bao nhiéu nghiém?

| AV
l
'\
3
il
1)\ —~
\
X \
\\A \\
o 1 2 :i\ X

A. 8 B. 6 C.2 D. 4
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Céu 129. (TT THANH TUONG NGHE AN NAM 2018-2019 LAN 02) Cho ham s6 y = f(x) la ham da

thire v6i hé s6 thuc. Hinh v& bén dudi 12 mot phan d6 thi ciia hai ham sé: y = £ (x) va y = f(x).

Y

Tap cac gi tri ctia tham s6 m dé phuong trinh 1 (x) =me" ¢0 hai nghi€ém phan biét trén [0; 2] 1a ntra khoang
[a;b). Téng a+b gan nhét véi gia tri nao sau day?

A. —0.81. B. -0.54. C. -0.27. D. 0.27.
Céu 130. Cho f'(x) la mot ham da thirc bac bbn c6 do thi nhu hinh dudi day.

Y

y = flx)

o

A

0 x

Tap nghiém cta phuong trinh [f’(x)]2 = f(x).f"(x) c6 s6 phan tir 1a

A. 1. B. 2. C. 6. D. 0.
Céau 131. (PE THI THU VTED 03 NAM HQC 2018 - 2019) Cho hai ham s6 y = f(x) va y=g(x) la
cac ham xac dinh va lién tuc trén R va c6 d6 thi nhu hinh vé bén (trong d6 duong cong ddm hon la dd thi cua
ham s y = f(x)). C6 bao nhiéu s6 nguyén m dé phuong trinh f(1-g(2x—1))=m c6 nghiém thudc doan

]

y= flz)
y = gl(x)
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A. 8 B.3 C.6 D. 4

Ciu 132. (KINL GV THUAN THANH 2 BAC NINH NAM 2018-2019) Cho hai ham sb
y= f(x),y = g(x) ¢6 d thi nhu hinh sau:

y=f(2)

y=9()

Khi d6 tong s6 nghiém ciia hai phuong trinh £ (g(x))=0 va g(f(x))=0 la
A. 25. B. 22. C. 21. D. 26.

Cau 133. (THPT NGHIA HUNG ND- GK2 - 2018 - 2019) Cho ham s y = f(a:) ¢6 dao ham lién tuc trén

R.Hams6 y = f’ <a:> c6 do thi nhu hinh v& bén dudi:
v

4+

-3-2] -1O0\N 1 /2 3 4 5\/6 7 X
24

S6 nghiém thudc doan [—2;6} cua phuong trinh f(x) = f(O) la

A.5 B.2 C.3 D. 4
Céiu 134. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 3) Cho ham s6 y = f(x) c6 dao ham
trén R va c6 dd thi la duong cong trong hinh v& duéi. Dit g(x)=f [ f (x)] Tim sé nghiém cta phuong

trinh g'(x)=0.
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A. 2 B. 8 C. 4 D. 6

Chu 135. (THPT YEN KHANH - NINH BINH - 2018 - 2019) Cho ham s y = f(x) ¢6 dao ham trén R
va ¢ db thi 1a duong cong nhu hinh vé& dudi day.
]

NG
[\ |
[k
| \/ I

22 ! il 1
} =
|

Dat g(x)=f(f(x)). S6 nghiém ciia phuong trinh g'(x)=0 la:
A. 6. B. 5. C. 8. D. 7.

Dang 4. Bai toan tiép tuyén

Céu 136. (THPT HUNG VUONG BINH PHUOC NAM 2018-2019 LAN 01) Phuong trinh tiép tuyén cta
duong cong y = x’ +3x” —2 tai diém c6 hoanh d6 x, =1 la

A, y=9x+7. B. y=-"9x-7. C. y=-"9x+7. D. y=9x-7.
Céu 137. Phuong trinh tiép tuyén cta dd thi ham sé y = — tai diém c6 hoanh d6 x=0 1a
x_
A. y=-2x+3. B. y=-2x-3. C. y=2x-3. D. y=2x+3.

Céu 138. (THPT THIEU HOA — THANH HOA NAM 2018-2019 LAN 01) Cho ham s6 y =x* +3x ¢6
dd thi (C).Hé s6 goc k cua tiép tuyén véi do thi (C)tai diém c6 tung do bing 4 1a:
A. k=0 B. k=-2 C.k=6 D. k=9

Céu 139. (GKI THPT VIET PUC HA NQI NAM 2018-2019) Cho ham sb y =x—_1. Phuong trinh tiép
X+

tuyén ctia do thi ham s6 tai diém M (1;0) 1a
13 11 11 11

A y=—x—— B. y=—x—— C.y=—x+— D.y=—x-——
4 2 2 4 2 2 4 2 2 4 4 2

> 2 14 2 2 9
Céu 140. (PE THAM KHAO BGD & DT 2018) Cho ham s§ v = c6 dd thi (C) va diém A(g;1) .

Goi S 1a tap hop tat ca cac gi tri thuc ctia tham s ¢ dé co ding mot tiép tuyén cua (C) di qua A . Tong tat
ca cac gia tri cac phan tircua S 1a
3

A. 1 B. - C.
2

Ciu 141. (M3 dé 102 BGD&DT NAM 2018) Cho ham sé y = éx“ —%xZ ¢6 b thi (C). C6 bao nhiéu diém

D.

N | O
N[+~

A thudc @6 thi (C) sao cho tiép tuyén clia (C) tai 4 cat (C) tai hai diém phan biét M (x;,); N(x,5¥,)
(M, N khic 4)théaman y, -y, =3(x,—x,).
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A. 3 B.1 C.0 D.2
Céu 142, (Ma dé 101 BGD&DPT NAM 2018) Cho ham sb y = %x“ - %xz c6 dd thi (C). C6 bao nhiéu diém
A thudc (C) sao cho tiép tuyén ciia (C) tai 4 cat (C) tai hai diém phan biét M (x,;»,); N (x,;y,) khic 4

théa man y, —y, =6(x, —x,)
A. 0 B.3 C.1 D. 2

Céu 143. (MD 103 BGD&DT NAM 2017-2018) Cho ham s6 y = %x“ —%xZ c6 dd thi (C). C6 bao nhiéu

diém 4 thudc (C) sao cho tiép tuyén ctia (C) tai 4 cét (C) tai hai diém phan biet M (x;»,), N(x,5¥,) (
M, N khac A)théaman y,—y, =8(x,—x,)?

A. 0 B.3 C.1 D. 2
Céu 144. (THPT QUANG TRUNG PONG DA HA NOI NAM 2018-2019) Cho ham s6 y = 4x +2cos2x
c6 d6 thi 1a (C). Hoanh d¢ cta cc diém trén (C) ma tai d6 tiép tuyén cua (C) song song hogc tring véi
truc hoanh la

A. x=%+k7r(keZ). B. x=%+k7r(keZ). C. x:7r+k7z(keZ). D. x:k27r(keZ).

Cau 145. (CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Tiép tuyén tai diém cuc tiéu ctia 6 thi ham
s6 =§x3 —2x> +3x-5.

A. Co hé sc‘:) goc bang —1. B. Song song voi truc hoanh.

C. CO6 h¢ s6 goc duong. D. Song song véi duong thang x =1.
Céu 146. (THPT YEN PHONG 1 BAC NINH NAM HOC 2018-2019 LAN 2) Tiép tuyén v6i do thi ham
s6 y= —%x“ +2x” +3 tai diém cuc tiéu ciia do thi cat do thi & 4, B khac tiép diém. Tinh d6 dai doan thing

AB .

A 2. B. V2. C. 22, D. 442

Chu 147.  Tu BBT suy ra diém cyc tiéu cua do thi ham s6 1a M (0;3).
Tiép tuyén cua do thi tai diém cuc tiéu 1a dudng thing y=3.

Phuong trinh hoanh d6 giao diém ctia d6 thi va tiép tuyén la:

x=0

x:iZ\/E

—ix4+2x2+3=3<:>—%x4+2x2 :0<:>{

= A(—2\/5;3);B(2x/§;3) = AB=42.

Céiu 148. (PEN I-THAY LE ANH TUAN - PE 3 - NAM 2019) Tim tt ca cac gia trj ciia tham s6 m sao

‘A A , R A mx <A , e
cho tiém can ngang cua d6 thi ham s6 y = tiép xtic véi parabol y=x>+7.

x—m+1
A.m=T7. B.m:ﬁ. C.m=4. D. meR.

Céu 149. (CHUYEN BAC NINH NAM 2018-2019 LAN 03) Cho ham sb y =+ b2 , (ab=-2).Biétring

ax —
a, b 1a cic gia tri thoa man tiép tuyén cta d6 thi ham sd tai diém A(l;—2) song song v&i duong thing
d:3x+y—4=0.Khidé gia tri cia a—3b bang

A. 2. B. 4. C. -1. D. 5.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 32




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Cau 150. (CHUYEN LE THANH TONG NAM 2018-2019 LAN 01) Tim m dé moi tiép tuyén ctia do thi
ham s6 y = x* —mx” +(2m —3)x -1 déu c6 hé s6 géc duong.
A.m=#0. B. m>1. C.m=#1. D.med.

Cau 151. (THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s6 y = f'(x) ¢6 d6 thi nhu

hinh vé
\ | /
—1

D6 thi ham sd da cho ¢ bao nhiéu tiép tuyén vudng goc vai truc Oy .
A. 3. B. 0. C. 2. D. 1.

Céu 152. (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Tiép tuyén cua d6 thi

(C) (Y= % tai diém co6 tung d6 bang 1 song song véi duong thang

A. (d):y=2x-1. B.(d):y=—x+1. C.(d):y=x-1. D. (d):y=-2x+2.

, ) L , -1 ,
Cau 153. (THPT GANG THEP THAI NGUYEN NAM 2018-2019) Cho ham sb y = x_2 , goi d 1a tiép
X+

tuyén ctia d6 thi ham sb tai diém c6 hoanh do béng m -2 Biét duong thfmg d cét tiém can ding cua dd thi
ham s6 tai diém A(x;;y,) va cat tiém can ngang cta do thj ham sb tai diém B(x, ; ¥,)- Goi S 1a tép hop cac
s6 m sao cho x, +y, =-5. Tinh tong binh phuong cac phén tir cta S.

A. 10. B.9. C.0. D. 4.
x+2 ( 1) .
2x+3
Puong thang d : y=ax+b la tiép tuyén ctia d6 thi ham s (1) . Biét d cit truc hoanh, truc tung lan luot tai
hai diém 4,B sao cho AOAB cantai O.Khid6 a+b bang

Céiu 154. (CHUYEN LE QUY PON PIEN BIEN NAM 2018-2019 LAN 02) Cho ham sb y =

A. -1, B. 0. C. 2. D. -3.
Cau155. (CUM LIEN TRUONG HAI PHONG NAM 2018-2019) Cho ham s
y=f(x)= “xis J(a,b,e,d €R;e = 0,d =0) ¢6dd thi (C). DS thi cia ham sé y = f”(x) nhw hinh v& dudi
CX

day. Biét (C ) cét truc tung tai diém co tung do bang —2 . Viét phuong trinh tiép tuyén cua (C ) tai giao diém

cua (C ) voi truc hoanh.

A. x—3y+4+2=0. B. x+3y—-2=0. C. x+3y+2=0. D. x—3y—-2=0.
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Céu 156. (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 02) Goi M, N la hai diém di déng trén
do thi (C ) cua ham s6 y=—x’ +3x” —x-+4 sao cho tiép tuyén cua (C ) tai M va N ludn song song voi
nhau. Hoi khi M, N thay ddi, duong thaing MN ludn di qua diém nao trong cac diém duoi day?

A.Diém N(-L;—5) B.DPiém M(L;—-5) C.DPiemQ(L5) D. biém P(-1;5)

Cau 157. (PEN I - THAY LE ANH TUAN - DE 3 - NAM 2019) Cho ham s y:x_Jf? dd thi (C). Goi
X+

d 1a khoang céch tir giao diém hai tiém cén ciia do thi (C) dén mot tiép tuyén cua (C). Gia tri l6n nhét cua
d c6 thé dat duoc 1a

A. W3, B. \3. C. 2. D. 2V2.

Cau 158. (HSG BAC NINH NAM 2018-2019) C6 bao nhiéu gia tri cia tham sb thuc m dé do thi ham s6
2
y= X Z2mx+m cit truc Ox tai hai diém phan biét va cac tiép tuyén cua do thi tai hai diém d6 vudng goc
X+m
vO1 nhau.
A5 B. 2 C.0 D. |

Céu 159. Cho ham sé y = %x“ —3x? ¢6 dd thi (C). C6 bao nhiéu diém A thudc (C)sao cho tiép tyén cia

(C)tai A cat (C) tai hai diém phan biét M (x,;y,), N(x,;y,) (M,N khac 4)théaman y,—y, = 5(x, —x,)
A1, B. 2. C. 0. D. 3.

Céu 160. C6 bao nhiéu tiép tuyén cua d6 thi y = 2x_—23 di qua giao diém cta hai dudng tiém can?
X+

A. 1. B. Khong c6. C. Vb sb. D. 2.

PHAN B. LOI GIAI THAM KHAO

Dang 1. Poc do thi ham s6

Caul. ChonD

D6 thi hinh v& 1a @b thi ham s6 bac ba ¢6 hé sé a >0 nén chi ¢ ham s6 y = x* —3x+2 thoa mén didu kién
trén.

Cau2. ChonD

Duya vao hinh v€ suy ra ham s6 da cho ¢6 3 cuc tri — loai C,

D.
Mit khac nhanh bén tay phai ciia @ thi ham s6 di 1én suy ra hé s @ >0 — Chon D

Cau3. ChonB

Dura vao d thi ta thiy ddy 1a hinh anh db thi cia ham s6 bac ba nén loai dap an B va C; Mt khac dua vao
d6 thita co lim y =+oo nén hé s6 ciia x° duong nén ta chon dap an y =x’ —3x* +3

X—>+00

Cau4. Chon A
Ttr d6 thi : lim y =+o0 va day 1a db thi ham bac ba nén ta chon phuwong an y = x* —3x +1.

X—>+0
Caus5. ChonB
Quan sat do thi ta thiy day 1a do thi cia ham s6 y = ax* +bx” +¢(a > 0). Véy chon
B.
Cau6. Chon A
Dang ham béc ba nén loai C
Tir dd thi ta co a > 0. Do d6 loai B,
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D.
Cau7. ChonC

+ Nhin db thi khing dinh d6 thi ham tring phuong loai B, C
+ lim y = —o0 nén chon

D.

Cau8. ChonD

Dang d6 thi hinh bén 14 d6 thi ham s tring phuong y = ax* +bx* +¢ cohé sb a<0.

Do d6, chi c6 d6 thi ¢ dap an B 1a thoa man.

Cau9. Chon A

Trong bén ham s6 di cho thi chi c6 ham s§ y =—x’ +3x+1(ham s da thirc bic ba v6i hé s6 a <0) co dang
d6 thi nhu dudng cong trong hinh.

Cau10. Chon B

Vi tir d9 thi ta suy ra d6 thi cia ham phan thirc ¢6 tiém can dtng va ngang x=1;y =1

Caull. ChonC

Duya trén hinh dang d6 thi, ta loai y = x* —3x* —2va y = x* — x? — 2 Mit khéc tir d6 thi, ta thdy lim y = —o0

nénloai y=—x"+x’-2

Cau12. Chon A

D0 thi ham s 1a d6 thi ciia ham sb bac ba nén loai A va

B.

Do thi ham s bac ba ¢6 hé s6 a >0 nén D ding.

Cau 13. Chon A

Pay 1a hinh dang cta dd thi ham bac bén trung phuong c6 hé sé a>0
Cau14. ChonC

D6 thi ham s6 trén 1a @b thi ham tring phuwong ¢ 3 cuc tri va cd a <0
Caul5. ChonC

Taco:
Vi
— N
e <

Duya vao hinh dang cua dd thi ta duoc:

+ Didu kién x#1

+ Pay 1a d6 thi cia ham nghich bién

Tur d6 ta duge y' <0, Vx #1.

Caul7. ChonC

Dua vao db thi ta nhan théy tiém can dung bﬁng 2, Ham sd nghich bién vay chon B

Cau 18. Chon A

Dua vao do thi suy ra hé $6 a <0 = loai phuong an C

' =3ax* +2bx+c=0 co6 2 nghiém x,,x, trai dau (do hai diém cuc tri cua dd thi ham s nam hai phia voi
Oy )= 3a.c < 0= ¢ > 0 = loai phuong an D. Do (C)nOy=D(0;d)=d <0.

Cau 19. Dua vao dd thi, taco lim y =400, loai phuong an D.

X—>+0
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Xét phuong an 4 c6 y' =3x>+2 >0, Vx € R, ham sb khong co cuc tri, loai phuong an A .
Xét phuwong an B ¢6 y' =3x* —6x va y' d6i dau khi di qua cac diém x = 0, x = 2 nén ham s dat cuc tri
tai x=0 va x =2, loai phuong an B.
Vay phuong 4n dung 1a C.
Cau 20.
1o giai
Chon D
Dura vao d6 thi ta co a >0, do thi cat Oy tai 1 diém co6 tung d6 dwongnén d >0, dd thi c6 2 cuc tri trai

A A c A g2 2
daunén x,.x, <0=—-<0=c¢<0.Vaydap an D
a

Cau2l. ChonB

Ta c6 dd thi ¢6 hinh dang nhu trén v6i ham bac bdn trung phuong c6 hai diém cuc tiéu va mot diém cuc dai
nén a > 0,b<0. Gia tri cuc dai nho hon 0 nén ¢<0.

Cau22. ChonC

Dua vao do thi suy ra tiém can ding x =—1 loai C, D

Do thi ham s6 giao voi truc hoanh cé hoanh d¢ duong suy ra chon B

4

Cau 23. Theo do thi:
Tiém cén ngang: y = 250 (l)
c

=—i>0:>1<0 (2)

Tiém can dung: * c c

y=0:>x=—2<0:>2>0 (3)
a a

Cau 24. + Dua vao hinh dang dd thi ta kh'fmg dinh dugc a>0.

+ D0 thi cét truc Oy tai diém c6 toa do (O; d ) . Dya vao db thi suyra d > 0.

+Tacé: y' =3ax” +2bx+c. Ham s c6 hai diém cuc tri x,, x, (x, <x,) trai du nén phuong trinh 3’ =0
c6 hai nghiém phan biét x,, x, trai dau. Vi thé 3a.c <0, nén suyra ¢ <0.

\ . X, >
+ Mat khac tir d9 thi ta théy{ : | nén x+x, >0.
X, >

Ma x, +x :_—Zb nén suy ra _—2b>0:>b<0.
b 3a 3a

Vay a>0,b<0,c<0,d>0.

Cau 25. Theo bai ra, duong tiém can ding cua dd thj ham s6 1a x=— d .
C JE—
\ A A 5 A . \ A 1> - 1
Dudng tiém can ngang ctia do thi ham so la: y = 2 "
c [—
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Nhin d6 thi ta thiy: x=— >S0mad<0=c—1>0=c>1.

C —

=l s 150=a>1.

y:c—l

D) thi cit truc tung tai diém c6 tung do bang g <0=5b>0.

Cau 26. Tir d6 thi ham s6, ta suy ra
71 D6 thi ham s6 ¢6 ti¢ém cén ding la duong thang x =1, tiém can ngang l1a dudng thang y =—1.

'] D6 thi ham s di qua cdc diem 4(2;0), B(0;-2).

Tir bidu thirc ham s6 y =22 (vi @ thi ham sé 14 db thi ham nhét bién nén ac—b#0), ta suy ra
xX+c
[ D6 thi ham s6 ¢6 tiém can dung 1a dudong thang x =—c, tiém can ngang 1a dudong thang y =a .
] P thi ham sb di qua A(—Q;Oj, B(O;éj .
a C

Dbi chiéu lai, tasuyra c=—1, a=—-1, b=2.
Vay T=a+2b+3c=(-1)+22+3(-1)=0.
Cau 27. DO thi cit tryc tung tai diém (0;¢), tir dd thisuyra ¢<0
Mit khac dd thi ham sb c6 ba diém cuc tri nén y'=0 c6 ba nghiém phan biét, hay
¥'=4ax’ +2bx = 2x(2ax* +b) =0 c6 ba nghiém phan biét. Suy ra a,b trai dau.
Maa<0=5b>0
Cau 28. o
Loi giai
Chon B
DPao ham: y' =3ax’ +2bx +c
Tir hinh déng d6 thi suy ra:
Hé so a<0
y'=0 c6 mot nghiém bing x, =0 va mét nghiém x, >0.
3" =0 c6 mot nghiém bang x,=0=c¢=0.
2b

x1+x2:——:>x2:—§—b>0 ma a<0nén -6>0<b<0
a a

Ciu29. Chgn A
Tu dang di¢u cua do thi ta c6 ngay duogc:
@ lim y=+o0; lim y=—0=a>0.

X—+0
@ PO thi ham sb cét truc tung tai mot diém co tung d6 duong nén d > 0.
Tacod: y'=3ax’ +2bx+c
Mit khac dua vao d6 thi ta thay phuong trinh y'=0 c6 hai nghiém trai ddu va tong hai nghiém nay luén

ac<0
c<0
duongnén { 2p = (do a>0)
——> b<0
3a
Do d6: ab<0,bc >,cd <0.

Cau30. ChonD
- Dua vao hinh dang ctia do thi suy ra h¢ so a<0.
- B0 thi cat truyc Oy tai diém c6 tung 6 am nén d <0.
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- Ta théy dd thi nhu hinh vé& ¢6 hai diém cuc tri, hoanh do cac diém cuc tri trai dau suy ra phuong trinh
¥ =3ax’ +2bx+c =0 ¢6 2 nghiém x,,x, trai diu kéo theo 3a.c<0=>c>0.

Nt :—i>0:>b>0.

- Mat khac
3a

Cau3l. ChonC

- Dya vao hinh dang db thi suyra a <0

- Ham s6 ¢6 3 diém cuc trinén ab<0=5b>0

- Giao diém vdi truc tung nam duéi truc hoanh nén ¢<0.

Dang 2. P6 thi ham s6 chira ddu gia tri tuyét dbi
Cau32. Chon A

(x—2)(x2—1),x22

y:|x—2|(x2—l)= Do thi gdbm 2 phan:

—(x—2)(x2 —1),x <2

+) Giit nguyén phan db thi da cho tmg véi x>2.

+) Lay doi xung phan do thi da cho ung voi x <2 qua truc Ox

Hinh 1 nhn vi d6 thi 1a ham y =|x-2|(x* - 1)

Hinh 2 loai vi d6 thi la ham y=(x—2)|x—1|(x+1)

Hinh 3 logi vi d0 thi ham s6 y = (|x|-2)(x" - 1)

Hinh 4 logi vi d thi ham y = |(x—2)(x" ~1))

Cau 33. Cachl1:

+) Ta thay Hinh 2 ¢6 dugc 1a do ta giit nguyén phan do thi ctia ham sd y=x’ —6x” +9x thudc truc Oy va nim
bén phai ciia truc Oy va sau d6 1iy d6i ximg phan do thi nay qua Oy . Do d6 ta suy ra Hinh 2 1a db thi cta
ham sb y = |x|3 —6|x|2 +9|x| .

Ghi nhé: Tir d6 thi ham s6 y = f(x), mudn v& d0 thi cua ham s6 y = (|x]) thi ta lam nhu sau:

Budc 1: Giir nguyén phan d6 thi ham s y = f (x) thudc tryuc Oy (néu c6) va ndm bén phai truc Oy.

Budc 2: Ta liy ddi ximg phan do thi d6 qua truc Oy .

Cach 2:

T hinh 2 ta théy dd thi nhan truc tung lam truc fiéi xung nén’ suy ra day la dd thi cia ham sb chin, do do6 ta
loai dugc phuong an C va D. Lai thay do thi di qua goc toa dd nén suy ra ta loai phuong an B.
Vay dap an la A.

Ciau34. Chon A
Do d6 thi giao véi1 truc Oy tai di€m c6 tung d¢ bang —4 va lim y =—w.

X—>-+0

Dang 3. Bai toan tuwong giao
Dang 3.1 Bai toan twong giao do thi thong qua do thi, bang bién thién
Cau35. ChonC

3

Ta co6 2f(x)—3=0<:>f(x)=5.
S6 nghiém cua phuong trinh bang sb giao diém ctia d6 thi ham s6 y = f (x) va duong thang y =% .

Dua vao bang bién thién cua f (x) ta c6 sb giao diém cua do thi
Cau 36. Chon A
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Tacs 2/(x)-3=06 ()= ().

S6 nghiém thuc cia phuong trinh (1) bang sé giao diém ctia d6 thi ham s& y = £(x) véi duong thang

y= 5
Tur bang bién thién da cho cia ham s6 f(x), ta thay duong thang y = 5 cat do thi ham s6 y = f(x) tai ba
diém phén biét.
Do d6 phuong trinh (1) c6 ba nghiém thyc phan biét.
Cau37. ChonD
4
Taco: 3/ (x)+4=0 @f(x)z—g (*)

*) 1a phuong trinh hoanh d6 giao diém cua d6 thi ham sb y = f(x) va dudng than y=—4
(*) 1a phuong g y g thang

Dua vao dd thi ham sb, ta théy (*) c6 3 nghiém.
Cau38. ChonC

3
Tacé 4f(x)-3=0 @f(x):z
y A
1
’KT\ 3/4 /T\.'
II"‘ : \ ot | \".I
L % ; ".I ;:,,
e &)
II |I
| |I
| l
) 3, , )
Duong thang y = 2 catdo thihamso y=f (x) tai 4 diém phan biét nén phuong trinh da cho c6 4 nghiém
phén biét.
Ciau39. ChonB
Taco 3f(x)—4=0<:>f(x):§.
Duya vao db thi, ta thdy duong thang y :g cit y=f (x) tai 3 diém phan biét nén phuong trinh dé cho c6 3
nghi¢ém phan biét.
Ciu 40. ChonB
Bang bién thién
X -0 -2 0 2 +o0
f(x) - 0 + 0 — 0 +
) 7 2 e
~a i S T
-1 -1
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Xét phuong trinh 3f(x)—5=0c>f(x):§.

S6 nghiém ctia phuong trinh bang sé giao diém cua do thi ham sd (C ) y=f (x) va duong thang d : y = % .

Dua vao bang bién thién ta thdy duong thing d cét d6 thi (C) tai bon diém phan biét.
Cau4l. ChonD

x —x -1 2 +0
7'(x) + 0 - 0 +
2 +@o
-0 -2 B 3
.T=_;
3

Ta co 2f(x)+3:0<:>f(x):—5.

Nhin bang bién thién ta thiy phuong trinh nay c6 3 nghiém.

Cau42. ChonD

Dua vao hinh dang cua d6 thi ham s6 y = ax* +bx” +c ta thay day la dd thi cia ham sb bac bon tring
phuong ¢ 3 diém cuc tri nén phuong trinh »’ =0 ¢6 ba nghiém thuc phan biét.

Cau43. ChonD

Ta co 3f(x)—5:0<:>f(x):§.

Duya vao do thi ta thdy duong thang y = g cdt dd thi ham s6 y = f(x) tai ba diém phan biét thugc doan [-2;4]

Do d6 phuong trinh 3 f(x) —5=0 c6 ba nghi¢m thuc.

A Y
4
-
N
Céu 44.
Tacod: 4f(x)-7=0< f(x)= %. Do dudng thing y :% cat do thi ham sé y = f(x) tai 3 diém phan biét

nén suy ra phuong trinh da cho ¢6 3 nghiém.

Cau45. ChonC

Xét phuong trinh f(x)-2=0< f(x)=2

Sb nghiém cuia phuong trinh 1 s6 giao diém cta do thi ham sb y = 1 (x) va duong thing y =2

Tir bang bién thién ta thiy hai do thi ct nhau tai ba diém phan biét hay phuwong trinh c6 ba nghiém.

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 40




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG DT:0946798489

Ciau46. (TRUONG THPT LUONG TAI SO 2 NAM 2018-2019) Cho ¢
ham s6 y= f(x)=ax*+bx*+c co6 dd thi nhu hinh v& Phuong trinh ooy
1-2.f(x) =0 cb tat ca bao nhiéu nghiém? : A w
A. 4 B.3 —2 [-1 o 1) 2
C. Vo6 nghiém D. 2
Loi gidi
Chgn A
y=s(x)(C)
Xét phuong trinh: 1-2.f(x)=0(1) = f(x)==< 1
2 r=5(d)

S6 giao diém cua dudng thang (d) va duong cong (C) tmg véi s6 nghiém ciia phuong trinh (1). Theo hinh
vétaco 4 giao diém => phuong trinh (1) s& c6 4 nghiém phan biét.
5

Cau 47. Phuong trinh 2.f(x)—5 =0 f(x) =5(*)

S6 nghiém cta phuong trinh (*) bang s6 giao diém cia d6 thi ham s6 y = f'(x) va duong thang y = 5
, o 5 q
Nhin vao bang bién thién ta thay 2 d6 thi y= f(x) va y = 5 c6 3 diém chung.

Vay phuong trinh 2.1 (x)—5=0¢6 3 nghiém thyc.

Cau48. Chon A

Ta co: f(x) -3=0& f(x) =3, theo bang bién thién ta c6 phuong trinh ¢6 3 nghiém.
Caud9. *Pdthi y=|f(x)

- Budc 1: Giir nguyén phan d thi cia y = f(x) ndm phia trén Ox

- Buéc 2: Ly doi xtmg phan db thi ctia y = f(x) ndm phia duéi Ox qua truc hoan.

- Budce 3: Xoéa phan do thi ctia y = £ (x) ndm phia dudi truc hoanh

A — {

O

S6 nghiém cua phuong trinh ‘ f (x)‘ =2 ciing chinh 14 s6 giao diém ciing d6 thi ham s y = ‘ f (x)‘ va dudng
thang y = 2. Dya vao hinh v& trén, ta thiy c6 4 giao diém.
*Cach gidi khac:

O

, dua vao db thi suy ra phuong trinh di cho c6 4 nghiém
f(x)=-2
Cau 50.
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] - :

Ta c6 s6 nghiém cua phuong trinh |f (X)| =11a s6 giao diém ctia d6 thi ham s6

y= |f(X)| v6i duong thang y =1.

Tir hinh vé ta thdy dudng thang y =1 cat do thi ham s y = |f (X)| tai 6 diém. Vay sb nghiém ctia phuong
trinh |£(x)| =112 6.

Dang 3.2 Bai to4n twong giao do thi théng qua ham sb cho truéce

Cau51. Chon A

D@ thiy phuong trinh (x ~ 2)(362 + 1) =0 ¢6 1 nghiém x=2=> (C) cét truc hoanh tai mot diém.
Caus52. ChonC

Xét phuong trinh hoanh do giao diém: 2x+2=x’+x+2 < X’ +3x=0< x=0

Voi x,=0=y,=2.

Ciu53. ChonB

x=0

+3

Xét phuong trinh hoanh d6 giao diém cua (C ) va truc hoanh: x* -3x=0 < [

X

Vay s6 giao diém ciia (C) va truc hoanh 1a 3.

Cau 54. S6 giao diém cua do thi (C ) va duong thing y =2 1a sé nghiém cua phuong trinh sau:
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2_3+\/ﬁ
YT 34417

X3k =2ex-3x'-2=0 Sx=%

, 3-17 2
X <

Phuong trinh hoanh d¢ giao diém co 2 nghi¢m nén $b giao diém cua dd thi (C ) va duong théng 1a 2.
Cau 55. Phuong trinh hoanh d6 giao diém la x°* +2x+1=4x+5<x’ -2x-4=0=x=2
Voi x=2=y=13. Vay y, =13
Céiu 56. Xét phuong trinh hoanh do giao diém ciahaiddthi y=x’ —x* +1 va y=x>+1:
=0

P :0@{’6

x=2
Véi x=0=y=1.
Véi x=2=y=5.
Nén hai db thi trén c6 hai giao diém 1a (0;1)va (2;5).
Vay P=2.
Cau 57. Truc tung c6 phuong trinh: 2 = 0. Thay 2 = Ovao y = —2' — 32° + 1 duge: y = 1.
Cau58. Chon A 7
Xét phuong trinh hoanh d¢ giao diém
P =2x" +2x+1=1-x
< x-2x"+3x=0

<:>x(x2—2x+3):0<:>x20

Cau 59. Cach 1: Phuong trinh hoanh d¢ giao diém Vx* -4 +5=x<Jx*-4=x-5

x5
<~
x*—4=(x-5)

x=35
A 4 2
X' =x"+10x-29=0 (*)

Do x>5nén x' —x* =x"(x*=1)>0 va 10x—29 > 0. Vi vay (*) vd nghiém

Nhu vay phuong trinh vx* —4 +5=x v6 nghiém hay d6 thi ham s6 y =v/x* -4 +5 va duong thang y=x

khong c6 giao diém nao.
Cach 2:

. 5 x=+2
Phuong trinh hoanh d¢ giao diém vx* -4 +5=x ~Ta ¢4 di€u kig¢n xéac dinh V2

xé—\/z
Vi diéu kién trén ta co Vx' —4+5=x < Vx'—4+5-x=0

3
Xétham sb h(x)=vx*—4+5-x.Tacod h'(x)= 2x ~1; h'(x)=0<2x" =vx*' -4

Vxt—4

Véi xZ\/E tacod 2x’ >x*—4 . Véi xs—\/z tacd 2x° <+/x'—4
Ta c6 Bang bién thién:
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x —w —\E «JE +x
7 '(x0) — +
" +\ / -
5+4/2 5-4/2

S6 nghiém cua phuong trinh \/ﬂ +5=1x 1a 56 giao diém cuia do thi y = h(x) = \/m +5—x vatruc
hoanh y = 0. Dua vao BBT ta thiy phuong trinh \/x“_—4 +5=x vO nghiém hay d6 thi ham s6
y=+x*—4+5 vaduong thing y =x khong co giao diém nao.

Dang 3.3 Bai toan tim m dé phwong trinh f(x) = f(m) thoa min diéu kién cho truéc khi biét do thi,

BBT cua f(x)
Cau 60. ChonD

S6 nghiém thuc ctia phwong trinh —x* +2x”> =m chinh 1a sé giao diém cua dd thi ham sb y = —x* +2x* va
duong thang y = m. Dya vao do thi suy ra —x* +2x> =m c¢6 bdn nghiém thyc phan biét khi 0 <m <1.
Cau 61. SO nghiém cua phuong trinh f(x) =1+m?* bang sb giao diém cua do thi ham s6 y = f(x)va
duong thing y =1+m?>. Matkhac, 1+m>>1,Vm.
Do d6 ta c6 do thi
7]

N

—4

Duya vao db thi, ta thdy phuong trinh f(x) =1+ m? luén c6 mot nghiém thuc vi moi gi tri ciia m . Vay
phuong trinh da cho c6 mot nghiém thyc.
Cau62. 2f(x)+3m-3=0< f(x)= —m+3

2

3m+3

Vay phuong trinh da cho ¢6 3 nghi¢m phan biét < —1< <3< -l<m< %

Céu 63. Sb nghiém cua phuong trinh f (x)=m bing sb giao diém cta dd thi y = f (x) va duong thang
y=m.

Khi d6, phuong trinh y = f(x) co bbn nghiém thyuc phan biét < -2 <m<1.

Ciu 64. SO nghiém ctia phuong trinh f (x)=m bang s6 giao diém ctia do thi ham s6 y = f(x) véi duong

thdng y =m (song song hoic trung voi Ox).
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X | - -3 -1 0 2 +o0

‘ LARN AN
) NS RN

Dé phuong trinh £ (x)=m ¢6 5 nghiém phén biét < -2<m<0.
Cau65. Tacof(x)-l=m< f(x)=1+m
m+1=-1 {m:—2

Dé phuong trinh c6 hai nghiém thi
m+1>0

m>-1

Dang 3.4 Bai toan tim m dé phwong trinh |f(x)|=f(m) théa min diéu kién cho trwéc khi biét do thi,
BBT f(x)
Ciu 66. Léy d6i xting phan db db thi phia duéi Ox ctia ham sd y = f(x) qua truc Ox.

Bo phéan d6 thi y = f(x) phia dudi Ox .
Khi d6 ta c6 dd thi ham s y =|£ (x).

X —0 X — % X 0 X E Xy 20

J(x) S | 0 - 0 N

NN AN Y

Sb nghiém ciia phuong trinh ‘f(x)‘ =3m 1a s6 giao diém cua 2 do thi y = ‘f(x)‘ va y=m.

[t

Dya vao bang bién thién, ta thdy @b thi y =|f (x)| cit duong thang y =m tai 8 diém phan biét khi va chi

khi 0<m<2.
VimeZ nén m=1.
Cau 67. ChonD

Taco [2f (x)|=m | f (x)| =%(*)

Phuong trinh (*) 1a phuong trinh hoanh d¢ giao diém cta do thi y = ‘ f (x)‘ va duong thang y =%

Phén d6 thi ham s6 y =|f (x)| dugc suy ra tir d6 thi ham s6 y = f(x) nhu hinh v& va Ia duong nét lién.
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yh
13

[ ]

Pé phuong trinh |2f(x)| =m cb 6 nghi€ém thuc phan biét thi 1< % <3 2<m<6.

Ma meZ,m>0=me{3;4;5}

Dang 3.5 Bai toan twong giao dwong thang véi do thi ham sé bac 3
Cau 68. Chon B 7

Ta c6 phuong trinh hoanh dg giao diém la:

=3 +x+2=mx-m+le -3 +x-—mx+m+1=0 (1)
x=1

Dé duong thang cit dd thi ham s tai ba diém phan

— 2— —_ —_ =
<:>(x 1)(x 2x—m 1) Oc{xz—bc—m—l:O

biét thi phuong trinh x> —2x —m—1= 0 c6 hai nghiém phan biét khac 1 .Hay
{1+m+1>0 {m>—2

= < m>-2.Véi m>-2 thi phuong trinh (1) c6 ba nghiém phéan biét 1a
1-2-m—-1#0

m=-2
1,x,,x, (x;,x, langhiém cua x> =2x-m—-1=0 ). Ma % =1 suyra diém c6 hoanh do x=1 luodn la

trung diém cta hai diém con lai. Nén ludn c6 3 diém A,B,C thoa mén AB=BC Vay m>-2.
Ciau 69. ChonD
Hoanh d6 giao diém la nghiém ctia phuong trinh

x=1
x’ —3x —m+2:—mx<::>(x—l)(x2 —2x+m—2):0 <,

x =2x+m—-2=0
bat nghiém x, =1. Tu giai thiét bai toan trd thanh tim m dé phwong trinh c6 3 nghiém 14p thanh cip s cong.
Khi d6 phuong trinh x> —2x+m —2 =0 phdi c6 2 nghiém phan biét (vi theo Viet 1d rang x, +x, =2=2x,)
Vay ta chi can A':l—(m—2) >0 m<3
Cau 70. .

Loi giai

Chon B

. 3 2 r_ 2 = *
Taco y=x -3x"= ) =3x"-6x;y =0

Béng bién thién:
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X - 0 2 —
3 + 0 - y -
0 -
y
-0 -

Dua vao bang bién thién ta thdy d6 thi ham s y = x* —3x” cét duong thang y = mtai ba diém phén biét khi
—4<m<0

Cau71. Xéthamsd y=x’+3x -2, y' =3x" +6x.

Lap bang bién thién

S6 nghiém ctia phuong trinh x° +3x” —2 = m(*) bing s giao diém cta do thi ham s6 y =x" +3x* -2 va
duong thang y=m.
Dua vao bang bién thién suy ra PT (*) ¢6 3 nghiém phén biét khi 2 <m <2.
Cau 72. Phuong trinh hoanh d6 giao diém cua (C ) vad la
¥ =3 +2=m(x—1) (1)
Phuong trinh (1) & x° —=3x" —mx+2+m=0< (x—1)(x* —2x—m—2)=0
x—1=0 x=1
< 2 < 2
f(xX)=x"-2x—m—-2=0 |f(x)=x"-2x—m—2=0 (2)
Phuong trinh (1) ludn c6 nghiém x =1, vy dé phuong trinh (1) c6 ba nghiém phan biét thi phuong trinh
(2) phai c6 hai nghiém phan biét khac 1.
A'=14+m+2>0 m>—3
~ ~
f(1)=0

Vay m>—3thoa min yéu cau bai toan.

S m>-—3.
m=-—3

Cau 73. Phuong trinh hoanh d6 giao diém ciaAva y=x’ —x+3 :

=-2=y=-3
x3—x—|—3:2x—|—1<:>x3—3x—l—220<:>x Y

x=1l=y=3

Vay A(L3);B(=2;—-3) = x, +y, =—5

Céiu 74. Xét phuong trinh hoanh do giao diém cua d va (Cm)
X +3mx> —m’ =m’x+2m’

& X +3mx’ —m’x=3m’ =0

& (x3 —mzx)+(3mx2 —3m3) =0
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<::>x(x2 —m2)+3m(x2—m2)=0

<:>(x+3m)(x2—m2):0

x=-3m
|l x=m
xX=-m

Dé duong thang d cat d6 thi (Cm) tai 3 diém phan biét c6 hoanh d6 x,,x,,x, < m=0.
Khi d6, x* +x,* +x,* =83 @ m* +(-m)" +(-3m)" =83
< 83m' =83 m=1=I
Vay m, =1,m, =-1 hay m,+m, =0.
Cau75. ChonC
Hoanh d6 giao diém 1a nghiém ctia phuong trinh: x* —x+3=2x+1
x=1
Gidi phuong trinh ta dugc {
X =
Vix,<x,Vay x,=1,y,=3=>x,+y,=4
Cau 76. Xéthamsd: y=2x"-3x> =)' =6x’-6x=)' =0 x=0vx=1.
Bang bién thién:

X - 0 1 o

S6 nghiém cua phuong trinh d cho bang s6 giao diém cua hai db thi:
(C) 1y =2x" =3x’
d:y=2m+1

mil=—1 |Mm=71

Nhin vao bang bién thién ta thiy: Phuong trinh d3 cho c6 hai nghiém phan biét < {2 1=0 =
m+1= m=-—

:S:{—l;—l}.
2

Vay tong cac phan tir ciia S bang —1+ (—%j = _73 .

Céiu 77. Phuong trinh hoanh d¢ giao diém chung la: x* +2mx> +3(m—1)x+5=—x+5
x=0

x*+2mx+3m—-2=0 (1)

Puong thiang y = —x+5 cat d0 thi ham s6 y = x’ +2mx* +3(m—1)x+5 tai 3 diém phén biét
<> phuong trinh (1) c6 hai nghiém phan bi¢t khac 0.

<:>x3+2mx2+(3m—2)x=0c>{
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m>?2 2

' 2 m#—

AN=m"-3m+2>0 m<l1 3

= = .

3m—2#0 ) m<1
m#—

3 m>2

Cau 78.

x=-1
+Ta co: f(x)=x—1<:> x=1
x=3

f(x) laham bacbanén f(x)—(x-1)=a(x+1)(x—1)(x-3)
= f(x)=a(x+1)(x-1)(x-3)+x-1; f(0)=2=a=1.

= f(x)=(x+1)(x-1)(x=3)+x-1.

x=1=x,

(x+1)(x=3)+1=0(2)

X,,x; la cac nghiém cua (2) nén ta co xx, =—2.

+f(x)=0c>

thang y :g nén tir do thi ta c6 phuong trinh di cho c6 4 nghiém phan biét.

Cau79. Phuong trinh hoanh d6 giao diém:

3
¥ o3mr43=3x41 o x’ =342 =3my © 3m=X 52 (.
X

3_ 3_

Xét ham f(x):ﬂ:x2—3+g; f'(x):2x—%:2x—22; f'(x)=0x=1.
i X X X X
Bang bién thién.
X -0 0 1 s

I’ (x) - _ 0 i

PRI 7, NG 7

Khi d6 yéu ciu bai toan < m<0.Ma m nguyén va m [-2018;2019] nén c6 2018 gi4 tri théa man.
CAu 80. Phuong trinh da cho tuong duong: x° —6mx+5-5m*> =0.

bat y = f(x)=x’—6mx+5-5m> ¢6 f'(x)=3x"—6m; f"(x)=6x.

PT da cho c6 3 nghiém phan biét < Ham s y = f (x) cét truc hoanh tai 3 diém phan biét

< f"(x)=0 c6 2 nghiém phan biét x,, x, théaman f(x).f(x,)<O0.

3 nghiém d6 lap thanh cip sb cong nén x, —x, = x, — X, .

Suy ra, x, 1a hoanh d9 cua tim d6i xtng hay 1a nghiém cua f"'(x)=0.
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Cho f"(x)=0=6x=0<x=0.

Véi x=0tacod: 5-5m* =0 m=+1.
Thur lai:

e Véi m=1 thita co x3—6x+5:5<:>x(x2—6):0<:>

x:ix/g

*Véi m=—1 thitaco: x’+6x+5=5x(x’+6)=0<x=0

Dang 3.6 Bai toan twong giao ciia dwdng thiang véi do thi ham s nhét bién
Ciau 81. Chgn A

Cach 1:
Gia stt A(a;a—_lJ, B(b;ﬂ), 1(-21).
a+?2 b+2
H=(a+2;— 3 J,E=(b+2;—iJ = Id= al;—i , IB= bl;—i .
a+?2 b+2 a, b,
1A2=132=A32=a3+%=bf+b%
Do tam gidc ABI déu nén | ! !
cos(ﬂ,ﬁ):—
2
9
(af—blz)(l—ﬁjzo (1)
=
ajb +— = 1[a3+%j 2)
1”1 a
a, =-b,
=b
(1)<::> a, =
ab =3
ab =-3

Néu a, =-b, thi (2) voly.
Néu a,=b, thi 4=B = Loai.
Néu ab, =-3 thi (2) v ly.

Néu a,b, =3 thi (2):>a12+2:12 = AB=24/3.

2
1

Vay AB=23.
Cach 2: 1(-2;1)

x—1 3
C)y= C):Y=——.
(C):y x+2 =(¢) X

Trong h¢ truc toan dd ZXY (C) nhén duong thing ¥ =X lam truc ddi xtmg.
AABI déunén I4 tao v6i IX mot goc 15° = Aded: Y =—tanl5°.X = ded: Yz(\/§—2)X.

:A(X;(\/g—2)X).
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MéAe(C):(\/g—z)X:—% :XZZL:3(2+\/§).

2-3
2
— AB? = I =X2+[(\/§—2)XJ —12 = AB=2/3.

Cau82. ChonC
Ta co y=x—_1=1—i.
x+1 x+1
Do thi (C) c6 hai duong tiém canla x=—1 va y=1.Do d6 I(-1L1).
Gia st 4,B c6 hoanh do lan luot 1a x,,x, .
Ta co:

147 =(x,+1) + ; 1B =(x, +1) +

(x, -'-1)2 (x, +1)2
AB® = (x2 - )2 +( o j N [(xz +1)—(x1 +1):|2 i 4[(()sz:11)2-_(():€1+—’_11)2]

X+l x+1

Do tam gidc I4B déu nén ta co:
4 (1) =51 | (41 (o +1) =0
<~
(x, +1)" (3, +1)° (x, +1)" (3, +1)" =4
(x,+1) —(x,+1)' =0= 4B =0= Loai.

142 =1B* & (x, +1) —(x,+1) =

2
x2+1_x+1
(x,+1) (x,+1) =4 = ! ,
x2+1__x +1
1
+x,+1= 2 :
x +1
.4 2 2 ’ 2 2 2
Khi do 4B* =2[(x, +1)~(x +1)]=2 (x2+1)—(x | e [(e+1)'-2]
2 2
) 2 2 2 2 4
Laicé6 AB*=IB’ & ——— +1) =2 | =(x, +1) +
(x2+1)2[(x2 F=2f =y (x, +1)
B 2
2(2-243
(x2+1)2:4—2\/§:>ABZ=(—\/_):8
o (x+1) =8(x, +1) +4=0c (4_2 3 )2
2(—2-23
1) =4+23 = ap>=—" ) _3
_(xz ) V= 4+23
+x,+1l=- 2 :
x +1
.4 2 2 ’ 2 2 2
Khido 4B* =2[(x, +1)~(x +1)]=2 (x2+1)+(x o] e (1) +2]
2 2
) 2 2 2 2 4
Laicé6 AB*=IB’ & ——— +1) +2| =(x,+1) +
(x2+1)2[(XZ Fe2] =) (v, +1)
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(x,+1) =—4-23<0

& (x,+1) +8(x, +1) +4=0 = i = Loai
(x,+1) =—4+243 <0
Vay AB=22.
Cau 83. Chon B
Tinh tién hé truc theo vecto OI =(-11) > 1(0;0) va (C):Y :_y?’.
Goi A(a;_—?)J, B(b;_??’j e(C), didukién: (a=b).
a
9
2 _:bZ Z 1
‘ IA=1IB AT TR (1)
Theo dé bai, ta co: — — = 9
cos(IA;lB):60° ab+—
ey 0

AB* 2
Tir (2) > ab>0,do do: (1) > (a’ =b*)(a’h* —9)=0—L25ab=3.
Suy ra: AB> =2(3+§j:12—>AB=2\/§.

Cau 84. Phuong trinh hoanh d6 giao diém:
x = —1(Id)
k¢ +(3k—1)x+2k=0 (1)’

2x+1
X+1

kx+2k+1¢3{

Ycbt trong duong ¢ hai nghiém phén biét X,, X, sao cho ‘/0(1 +2k+ 1‘ = ‘kX2 +2k+1
k=0 k+0

SIA=K -6k+1>0 < {k*—6k+1>0 o k=-3.
k(X +%,)+4k+2=0 |1-3k+4k+2=0=k=-3

Ciu 85. Phuong trinh hoanh d¢ giao diém cua duong thing y=x—2 va do thi ham s6 y= 2x +11 la:
x_
x-2= 2“11 e (x=2)(x-1)=2x+1
x_

St =3x+2=2x+1< x> =5x+1=0 (¥
Tacéd x,,x, la nghiém cua phuong trinh (*), theo dinh li Viétta co x, +x, =5
Céu 86. Phuong trinh hoanh d6 giao diém cta hai do thj ham sé di cho

— +2 +1)=x-3
x=3 =x+2m & {(x m)(x ) ¥ & X+ 2mx+2m+3=0 (*) . (vi khi x =—1thi phuong trinh tr&
x+1 x#—1

thanh 0=—-4 vo li).

D¢ d6 thi cua hai ham s da cho cét nhau tai hai diém phén biét thi phuong trinh (*) phai c6 hai nghi¢m

<-1
phén biét. Khi d6 m phai thoa man A('*) >0 om’-2m-3>0& {m 3
m>

. m<—1
Vay tap hop cac gia tri cua tham s6 m 1a { 3"
m>

Cau 87. ChonD
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Hoanh d6 giao diém 1 nghiém ctia phuong trinh: x—_';’ =mx+1
X+

3= 2 —
@{x 3=(mx+1)(x+1) @{mx +mx+4=0 (*)
x#—1 x#—1

X

_';’ tai hai diém phén biét thi phuong trinh (*) c6 hai
X+

A>0 m* —16m >0
s =S
m(—1) +m(-1)+4#0 420

Dé duong thang y = mx+1 cat d6 thi ham s y =

nghi¢ém phan biét khac —1 hay {

&Sm e(—oo;O)u(l6;+oo).
-2

X

Cau88. Goi (C) 1a dd thi ham sb y ==

Phuong trinh hoanh d¢ giao diém cua (C) va duong thang d la: X k620 +5x4+2=0 (x=#0)
X
x=-2
el 4
xX=—
2

Suy ra duong thang d cdt dd thi (C) tai hai diém phan biét M, (-2;2),M, (—%; 5) .

Tacé d(M;d)>0,YM = mind (M ;d)=0khi M ed.
M(-2;2)
MaMe(C) =>M=dn(C) = M( 1 J

__7

2
Voi M(-2;2) =>a=-2,b=2=(4a+5)" +(26-7)" =18.

Véi M(—%;5j:>a=—%, b=5:>(4a+5)2+(2b—7)2 =18.

, x=1
Cau 89. Xét phuong trinh hoanh d¢ giao diém L —x-me 5
1—x X —mx+m=0 (*)

Dé c6 hia diém phan biét 4, B thi phuong trinh (*) phai c6 hai nghiém phén biét khac 1
m>4
m<0

l-m+m=0

m* —4m >0
Khi d6 phuong trinh (*) c6 hai nghiém phén biét X, x, thoa man:

X, +x,=m

XX, =m
Gia st A(x;3x, —m),B(x,;x, —m), suy ra: OA(x;;x, —m),O0B(x,;x, —m)
Theo gia thiét goc giita hai duong thing O4 va OB bang 60° suy ra:

cos(574;51§> =c0s60’ & ‘xlxz 0 —m)(x, —m)‘ !

J (= m) (v, —m) 2
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‘2x1x2 —m(x, —I—x2)+m2‘ 1
-~ P
\/xfxz2 +(xx, —mxz)2 +x7 (x,x, —m)2 +[(x1 —m)(x, —m)]2 2
‘2m—m2 —|—m2‘ 1
2

-~
\/m2 —|—(m—mx2)2 —|—(m—mx1)2—|—[x1x2 —m(x1 —|—x2)—|—m2]2

|2m| 1
& ===
\/m2 +(m—mx,) 4 (m—mx,)’ -l-[m—m2 -l-mz]

2 1

< 2 2
N

S24+(1-x) +(1-x) =16

<:>(x1 —|—x2)2 —2x,x, —2(x1 +x2):12

—6
<:)m2—4m—12:0<:)lm
m=—2

Cau90. ChonD
Phuong trinh hoanh d¢ giao diém cua d va (C):
2—xlzx—m+2<:>x2 —(m+1)x+m—-2=0 (*) (vi x=1 khong phai la nghiém).
x_
Dudng thing d cit (C) tai hai diém phan biét:
<> Phuong trinh (*) c¢6 hai nghiém phan biét x,, x, .
S A=(m+1) —4(m-2)=(m—-1) +8>0,YmeR.

. o o tx,=m+1
Theo dinh ly Vi-et ta c6:

XX, =m—2

Khido A(x;x,—m+2), B(x,;x,—m+2).
AB=\/(x2—x1)2+(x2—m+2—xl+m—2)2 :\/2(x2—x1)2 =\/§\/(x2+x1)2—4x1x2 .

=\2\(m-1) +8>4.

AB nho nhit @ AB=4<m=1.
Cau91. ChonC

Phuong trinh hoanh d¢ giao diém ciia (C ) va d la:

2
o +13 =2x+2m < x> +2(1+m)x+2m=3=0 (1), (x=-1).
X+
Duodng thang d cdt (C) tai hai diém phan biét 4, B < Phuong trinh (1) ¢6 hai nghiém phan biét khac 2
A'=(1+m) —(2m—3)>0 {m2+4>0,‘v’m
= , N .
(-1) +2(1+m).(-1)+2m=3%0 —4#0

Khi do, goi A(xl;2x1 +2m); B()c2;2x2 +2m)

Hoanh d¢ trung diém cua AB 1a x, = nto_ 2 +22m =

-m-1.
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x+3

x+1

< (2x+m)(x+1)=x+3 (do x=-1 khong la nghiém)

Cau 92. Phuong trinh hoanh d6 giao diém: 2x+m =

<2 +(m+1)x+m-3=0(1).
Dé c6 hai giao diém thi pt(l) phai c6 hai nghiém phan biét. Piéu nay twong duong véi
A>0 < m>—6m+25>0 (ludn ding).
Goi x,, x, 1a hai nghiém ctia phuong trinh (1). Gia st M (x;;2x, +m), N(x,;2x, +m)
Khi @6, ta co:
35

2 2 2 m+1Y m-—3 5 2 5
MN? =5(x,—x,) =5[(x1+x2) —4x1x2} =5H 2+ J -4 } =Z[(m—3) +14]ZZ'14:7'{

:%[(m—3)2+16}2%.16:20.}

Dau "=" xayrakhi m =3 nén MN nho6 nhatkhi m=3.
Cau93. TXD: D=R\{-1}.

D& thay db thi ham sb c6 tiém cin dimg d :x=-1 vatiémcanngang d,:y=2.

Do Me(H):M(xO;2x°+3].

x, +1
. 2x,+3
Xeét d(M,d])+d(M,d2)=|x0+l|+ ;:):_1 —2‘:|x0+1|+ - >2.
2 . Dy x,=0
bang thuc xay ra khi va chi khi |x0+1|: = .
x, +1 Xy =—2

Theo dé bai, ta ¢6 x, <0 nénnhan x, =-2 = y, =1.
Vay x,+y,=-1.
Ciu94. Chon B

"y

X

Hamso y=

c6 dd thi (C) nhu hinh v&. Goi 4| a; va B| b;—2_ | 13 hai diém thuoc hai nhanh
x-2 a-2 b-2

cua (C) (a<2<b).

Tacé:ﬁz(b—a; b —Lj: b—a;b;a .
b-2 a-2 (b—2)(2—a)
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(b-a)

Ap dung BDT Césita co: (b-2)(2-a)<

b—a)’
(b-a) > (b-a)f+—22 16

[(p-2)(2-4)] (b-a)

— AB >4 . Diu bing xay ra khi va chi khi a=2—+2 va b=2++/2.

Vay AB . =4.

Dang 3.7 Bai toan twong giao ciia duwong thing véi ham sé khac (chira tham so6)

Cau95. Chon A

x=3 x-2 x-1 x
+ + +

Suyra: AB* =(b—a) +

Xét phuong trinh

:|x+2|—x+m
x—=2 x-1 X x+1

x—-3 x-2 x-1 X
+ + +

x—2 x-1 X x+1—|x+2|+x=m(1)

R SISk il S khi x> -2
Ham sb p(x)="> 2+x 1+x + x1—|x+2|+x: x‘i x—; . x+1 _
" T o Y AT AT Y 4 ox+2 Kkhiv< 2
x-2 x-1 x x+
1 1 1 1
+ +—+ > >O,‘v’xe(—2;+oo)\{—1;0;1;2}

(x—2)2 (x—l)2 X (x+1)

1 >+ ! s+—+ 1 >+2>0,Vx<-2

(x—2) (x—l) X (x+1)

nén ham sé y = p(x) dong bién trén mdi khodng (—o0;—1), (=1;0), (0;1), (12), (2;+).
Mt khac ta ¢ lim p(x)=2 va lim p(x)=-o.

x—>—0

Taco p'(x)=

Bang bién thién ham s6 y =g (x) :
X —o0 =2 -1 0 1 2 +aC

0 R

8

+oC +of

g(x) ;/13/ /| i ) /2

Do d6 dé (Cl) va (Cz) cit nhau tai diing bon diém phan biét thi phuong trinh (1) phai c6 4 nghiém phan

biét. Diéu ndy xay ra khi va chi khi dudng thang y =m cét d6 thi ham s y = p(x) tai 4 diém phan biét

Sm=2.

Cau 96. Chon B 7

Xét phuong trinh hoanh d¢ giao diém

x-1 x x+1 x+2 x-1 x x+1 x+2
+ + =lx+2|-x-m< +

x x+1 x+2 x+3 x x+1 x+2 x+3

Xét f(x)=2"ty X XL XPZ o v xe D=R\{-3;-2- 1;0)
x x+1 x+2 x+3

—|x+2|+x:—m (1)
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x—1 X x+1 x+2
+ + +

X x+1 x+2 x+3

—2,xe(—2;+oo)uD:D1

Ta c6 =
aco f(x) x—1 X x+1 x+2
- + + +2x+2,x€(—0;—2)UD =D,
X x+1 x+2 x+3

iz+ ! -+ ! -+ ! 2,v;ceD1
. X (x+l) (x+2) (x+3)
Co f(x)=1, 1 1 1

—+ + + +2,VxeD,

X (erl)2 (x+2)2 (x+3)2
D@ thiy f'(x)>0,VxeD, UD,, ta co bang bién thién

x | -00 -3 2 1 0 +o0
(%) + + + + +
~+00 +o0 +o0 +oo 9
£ / / /‘ / /
—00 -00 -00 —00 -00

Hai d0 thi cdt nhau tai ding 4 diém phan bién khi va chi khi phuong trinh (1) c6 ding 4 nghiém phan biét, tir

bang bién thién ta co: —m>2 <> m< 2.

Cau97. ChonC

Diukién x# -1 x# -2, x#-3 va x#—4.

Ta c6 phuong trinh hoanh dé giao diém

X x+1 x+2 x+3
+ + +

x+1 x+2 x+3 x+4

(1—Lj+(1— 1 j+(1— 1 j+(l— ! J=|x—l|—x+m
x+1 xX+2 x+3 x+4

1 1 1 1
o x—|x+1+4- + + + =m
x+1 x+2 x+3 x+4

Pat tip D, =(—1;+00) va D, = (-o0;—4) U(—4,-3) U(-3;-2) U(-2;-1).

3—( ! + ! + ! + ! j:m, khi xe D,

:|x+1|—x+m

x+1 x+2 x+3 x+4
1 1 1 1

2x+5- + + + =m, khi xe D,
x+1 x+2 x+3 x+4

3—(1+1+1+1j, khi xe D,

. x+1 x+2 x+3 x+4
bat f(x)= I B B
+ + +
x+1 x+2 x+3 x+4

2x+5—( j,khi xeD,
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! + ! + ! + ! >0 khi xe D
(x+1) (x+2)" (x+3) (x+4)) 1
2+ ! >+ 1 >+ ! >+ ! ~|>0, khi xeD,
(x+1) (x+2) (x+3) (x+4)
Vay ham sb dong bién trén ting khoang xac dinh

lim f(x)=3 lim f(x)=—

X—>+o0

:>f'(x):

nén ta cd bang bién thién

x — 0 —4 -3 —2 -1

oo + 00 Lo +ma 3

- NN

— 0 —0d — 00 - —

Do d6 dé phuong trinh ¢6 4 nghiém phan biét thi m >3 =me [3; +oo) .
Ciau98. Chon B
Xét phuong trinh hoanh do

x—-2 x-1 X x+1 x—2 x-1 X x+1
+ + + + +

=|x+1|—x—m =
x—1 x  x+1 x+2

S6 nghiém cua (1) 14 s6 giao diém cua

x—1 X x+1 x+2

-2 x-1 +1 + + -1 x>-1
F(x):x g, x X —|x+1|+x: x=1  x x+1 x+2
x—1 X x+1 x+2 x—=2 x-1 X x+1
+ + +2x+1L,x<-1
-1 X x+1 x+
1 1 1 1
+—+ + ,x e (=L+x)\{0;1}
Taco F'(x)= (x_1)2 X (x+1)2 (x+2)2
1 1 1 1

+—+ + +2,x €(—o0;—1)\{-2
(x—1)2 x* (x+1)2 (x+2)2 ( ) { }
Mit khac lim F (x)=+oo; lim F(x)=3

lim F(x) = +w;xli{r21_F(x) =—o0; lim F(x) =—o0; lim F(x) = +00

x—-2" x——1" x——1"
B (5= (1) = () ==l )~

Bang bién thién
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F'(x) ~ + + + +

— — — — 0
[

Dé phuong trinh c6 4 nghiém thi —-m <3< m>-3.
Cau99. Xét phuong trinh Vx> —x+1+x =3x+9=7—m (¥).
Dit f(x)=vx® —x+1+x* —3x+9 co tap xéc dinh D=R.

Ta co, f'(x)= x-1 ,_ 2x-3 ;f’(x)=0<:>x=§.
2x¥—x+1 24X —3x+9 4
Bang bién thién:
3
T |-o0 4 + oo
y' 3 0 +
+ 00

Ttr bang bién thién ta thdy (*) c6 nghiém < min f (x)<7-m.

=>V13<7T-m=>m<7-13~3,39.
Ma meZ" = me{1;2;3}.

Cau 100. x° +6x* —m’x’ +3(5—m2)x2 —6mx+10=0 <

x® 4 6xt —m’x’ +15x* —3m’x* —6mx+10=0.
it u=x" (u>0); v=mx = v’ +6u> —v' +15u—31" —6v+10=0

S u+6ut +15u+10=2v"+31> 4 6v & (u+2) +3u+2=(v+1) +3v—1
o (W42 +3u+2)=(v+1) +3(v+1) (1).
Xétham f(1)=¢+3t= f'(1)=3"+3>0, VteR.

Dodd (1) & f(u+2)=f(v+1) e ut2=vil= @ +2=mtl= xti=m.
X

1;2]
2

x:—l¢[%;2].

x=1€

Xét ham g(x):x+l:> gx)=1-5; g'(x)=0«
x
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Bang bién thién:

1
o 5 1 2
f(x) - 0 —+
5 15
2 2
F ) \ /
2

Dé phuong trinh ¢6 ding hai nghiém phén biét thudc

l;2 thi 2<m§§.
2 2

Vay 5a—|—8b:5.2+8.§:30.

Cau 101. Taco cos’ x—3cos’x—m=0< cos’ x—3cos’ x=m.

bat t=cosx=>tre[-1; 1].

Yéu ciu bai toan trd thanh tim didu kién cia m dé phuong trinh #* —3¢> =m c6 nghiém ¢ e[-1; 1].
Xéthamsd f(r)=1 -3¢, te[-1; 1].

t=2¢[-11]

Phuong trinh #* —3¢* =m c6 nghiém ¢ e[-1; 1] < n[ailnl] f(H)<m< n?e%)li]f(t) < —4<m<0.
te[-1; te[-1;

Taco f'(1)=3t>—6t, (1) =0 = =t=0va f'(-1)=—4; f'()=-2; £'(0)=0.

Do meZ nén me{—4;-3; -2; —1; 0}.
Vay co 5 gia trj cia m thoa yéu cau bai toan.
Cau 102. Chgn A

/N
R VERVS

Taco x* (|x|—3)+2—m2 (|m|—3) =0 |)c|3 —3|x|2 +2 :|m|3 —3|m|2 (*)

Xétham s6: y = f(x)=|x ~3[x| +2 c6 do thi nhu hinh vé&:
Ttr d6 thi ciia ham s6 ta c6: Phuong trinh (*) c6 4 nghiém phén biét
& -2 <|m| ~3|m| <2

Ma meZ:>|m|3 —3|m|2 el <m’ (|m|—3)eZ

_|m|:3
2l N m=0 m=13
=m’(jm=3)e{-L0:1 =) (1):{’%:0
m=-1 (1)
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‘x2—4x+3‘
Cau 103. Ta co: (%) =m'—m’ +1 & |¥ —4x+3 =log, (m' —m* +1) (1)
5

S6 nghiém ctia phuong trinh (1) 1a s6 giao diém cua hai d6 thi y = f(x) va y =log, (m4 —m’ + 1)
5
Xeét dd thi y = |x* —4x+3| c6 dang nhu hinh v&:

7'y

Dua vao d0 thi ta thiy dé phuong trinh (1) ¢6 4 nghiém khi hai d6 thi y = f(x) va y=log, (m4 —m’ + 1)
s
giao nhau tai 4 diém phan biét.
Khi d6 0<log, (m4—m2+1)<1 s1>mt-m? +1>§
5

mt—m?<0 mz(m2—1)<0
- . - N @{—1<m<1
m4—m2+z+%>0 (mz__j +—>0 m=#0

D6 thi nén c6 danh dau moc trén truc tung y =1 vi ta can dung moc nay dé két luan bai toan, cling nén noi
A | IR
thém m* —m® +1> 3 ludn dung

Cau 104. Cach 1 — Phan Vin Tai

Taco: Vx’ +mx+2 =2x+1.(1)

{2x+120 xz—l
<9, 2 2 ’
Xamrt2=(2001) 3 (g 120 (2)

Dé phuong trinh (1) ¢6 hai nghiém phén bigt < phuong trinh (2) ¢ hai nghiém phan biét x,, x, théa man

1
_ESX1<X2-
A>0 (m—4) +12>0
& (xl+ j(x2+%j20© 2m-920 <:>m2%
m—4>-3
xl+x2>_1
2 2
9
Vay m>—.
1y 5
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Cach 2 - Nguyen Van Hau

> | 2x+120 xz—l
X Hmx+2=2x+1 "< 5 5 (2 12<:> 2
X +mxt+2=(2x+1) 3P +4x—1=mx®

Vi x =0 khong phai la nghi€ém cua phuong trinh nén phuong trinh da cho twong dwong véi phuong trinh sau:

1
¥2o5x 20 32 +4x—1 1
. Xétham sé f(x) =" i X2 0.

3x° +4x-1 X
= m
X

2
Taco f/(x)=2 L5 0,vx 0.
X

. . . -1} 9
fm £ (x)== i (x) = i (x) = (573
Bang bién thién
* - 0 +ae
2
flx) + +
f{x} /'-:: /"‘:;c
9
—- —C
2

Dura vao bang bién thién ta c6 phuong trinh ¢ hai nghiém thyc khi m > % .

Cau 105. Chgn A

Phuong trinh hoanh d9 giao diém cia (C,)va duong thing d 1a x'—(3m+2)x’+3m=-1
< xt=(Bm+2)x* +3m+1=0

bit t =x*, (1>0), phuong trinh tr¢ thanh #* —(3m+2)t+3m+1=0 (2)

t=1
=
t=3m+1

Puong thang d:y=-1 cat d6 thi (C,) tai 4 diém phan biét déu c6 hoanh do nho hon 2 khi va chi khi
phuong trinh (2) c6 hai nghiém duong phan biét ¢, t,thoaman 0<¢ <z, <4

3m+1#1 m#0
= 1
0<3m+1<4 —§<m<1

Cau 106. Chon D
m(V1+x ++1-x+3)+241-x* =5=0(*)
batt=v1+x++1—x

Theo bat dang thirc bunhiacosky ta c6:#° = (V1+x +v1—-x)’ <1+ D(1+x+1-x) =4
=0<r<2
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2
P =Wl+x+V1-x) =2+2J1-x* = J1-x :% (1)dé phuong trinh c6 nghia V2 <¢

t'—4r+4  , —t'+4r
— X =

(Hhe 1-x' = ) dé (1) c¢6 hai nghiém thuc phén biét thi
—t4+4t2>0
4 —=2<1<2
t>2
s 2 71
Liacnaypt (*)< m(t+3)+t"-7=0 < m= 3
+
- , P —6t— t=-3+2
Pat f() =1L = fn=""T ge
t+3 (t+3) t=-3-2
Ta c6 bang bién thién:
—o0 1/5 2 4+

[////])

th | W

i

Suyra <m<3(3-47) = - 2a=127V2
5 7 7

Cau 107. Chon B

Pat t=2x" +3x+m =1 =2x"+3x+m

r-2x =3
Taco q | ) Xo=oxEm :>t3+2t:(x+1)3+2(x+1)
x =3x —2x+m-3+2t=0

Xéthamsbd y= f(u)=u’+2u= f'(u)=3u*+2>0,VueR.
Do d6 ham s6 lién tuc va dong bién trén R
:>t:x+1:>2x3+3x+m:(x+1)3<:>x3—3x2—l:—m

Xét g(x)=x" -3x*-1= g'(x) =3x" —6x
, x=0
g (x)=0<:{

Bang bién thién
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T |—o 0 2 400
9'(z) + 0 - 0 +
-1 —+-00
9(z) ;g//” \\\\\_5///

meZ

Tur bang bién thién suyra —=S<-m<—1=1<m<5=me{2;3;4}.

Vay tong cac phan tir cuia S bang 9.

Dang 3.8 Dinh m dé ham so f(u) théa man diéu kién cho truéc khi biet f(x)
Cau 108. Chon B

bat t=sinx = Vx e (O;7z) =te (O;l]

Vay phuong trinh tré thanh f(¢) =m. Dua va do thi ham s6 suy ra m e[~ L;1).
Cau 109. Chon C

Dit ¢ =x’ —3x ta c6 phurong trinh ‘f(t)‘ =% (*).

ily

I _]-—--——_.3'\.].-’[
'
Tir d6 thi ham s y:‘ f (t)‘ va duong thing y:% ta suy ra phuong trinh (*) c6 4 nghiém
[ <=-2<t,<0<t;<2<1,
x .
Xétham t=x"—3x.Tacd ' =3x"-3=0 <:{ Ta c6 bang bien thién
x
x| -o0 -1 0 1

t + _ 4

t / } \‘* 0

Véi t, < -2 phuong trinh: ¢ = x’ —3x cho ta 1 nghiém.

\\‘ >

Véi =2 <t, <0 phuong trinh: ¢, = x* —3x cho ta 3 nghiém.
Vi 0<t, <2 phuong trinh: ¢, = x* —3x cho ta 3 nghiém.
Véi 2 <t, phuong trinh: ¢, = x* —3x cho ta 1 nghiém.

Vay phuong trinh dé cho c6 tat ca 8 nghiém. Chon C

Cau 110. Chgn A

bat ¢ = g(x) =x=3x (1)

Ta co g'(x) =3x"-3=0<x*l

Bang bién thién
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X —o0 -1 1 +a0

gl(x) + 0 - 0 +

g(x) 2~ 0~
—a0 — -2

Dua vao bang bién thién ta ¢6 véi 7 € (—2;2) chota 3 gid tri x thoa man (1)
te {—2; 2} cho ta 2 gia tri x théa man (1)
t €(—o0;—2)U(2;+400) chota 1 gid trj x thoa man (1).

Phuong trinh \ f(x- 3x)‘ = % (2) tré& thanh

&)
~
—
~
N—

|
w | N

Dua vao dd thi ta co:

+ Phuong trinh f(¢) = % ¢6 3 nghiém théa man -2 <, <t, <2 <t, = c6 7 nghiém cua phuong trinh (2).

+ Phuong trinh f'(¢)= —% ¢ 3 nghiém théa man ¢, < -2 <2 <t <t, = c6 3 nghiém cua phuong trinh (2).

Vay phuong trinh da cho ¢6 10 nghi¢m.
Cau 111. Chon D
Pit 1= x> —3x = ' =3x* —3. Ta c6 bang bién thién

B

Duya vao dd thi ham s ‘f(t)‘ ta thdy phuong trinh (1) c6 4 nghiém phan biét ¢, <2, —2<1, <0, 0<¢, <2,
t,>2.
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Moi nghiém ¢ clia phuong trinh (l) , ta thay vao phuong trinh ¢ = x* —3x dé tim nghiém x.

Khi do

+ t, <—2 = phuong trinh ¢ = x’ —3x ¢6 1 nghiém.

+ -2 <t, <0 = phuong trinh # = x’ —3x ¢6 3 nghiém.
+ 0<t, <2 = phuong trinh ¢ = x’ —=3x ¢6 3 nghiém.
+ t,>2 = phuong trinh ¢ = x’ —3x c6 1 nghiém.
Vay phuong trinh ‘ f (x3 - 3x)‘ = g c6 8 nghiém.

Cau 112. Chon B

| o S 7 -

(x —3x

l\.)I»—‘
—~
.
N—

Ta co ‘f(x3 —3x)‘:5<:> ( .

II
—_

[\
~

+) (1)<:>f(x3—3x)=%<:> X =3x=a,(0<a, <2)

)=
)=-
X =3x=a 2<al<0)
(
X =3x=a(a,

>2)
X —3x:a4(x4<—2)
+)(2)<:)f(x3—3x):—%<3 X =3x=ay (a5 >2)
X =3x=a(a;>2)
Xéthamsd y=x"-3x, D=R

Tacd y'=3x"-3
Bang bién thién

X —a0 -1 1 +a0
J'(x) + 0 - 0 +

2 a0
@ | e T,

Dua vao bang bién thién ta c6
Phuong trinh: X’ —3x=¢, c6 3 nghiém.

Phuong trinh: X’ —3x=a, c6 3 nghiém.
M&i phuong trinh x*-3x=a,, x’-3x=a,, x’-3x=q, ’ x*-3x=a, déu c6 mot nghiém
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Tu d6 suy ra phuong trinh ‘f(x2 —3x)‘ =% c6 10 nghiém.

Cau 113, 2f(x+2019)—m=0 <:>f(x+2019):% (*).

Ta c6 bang bién thién cia ham s6 y = g(x) = f(x+2019) nhu sau:

X | - -2021 -2019 -2017 +
g'’x) - 0 + 0 - 0 +
+ 00 1 + 00
£x) \ / \ /
N2 N2 y= g

Phuong trinh (*) ¢6 4 nghi¢m phan biét khi -2 < % <1 ©&-4<m<2.

Cau 114. Dt t=x"+2x-2. Véi xe[0;1] =1 e[-21]

Phuong trinh f(x2 +2x— 2) =3m+1 c6 nghiém thudc doan [O;l] khi va chi khi phuong trinh f(t) =3m+1
co nghiém thudc [-2;1] < —% <m<l.

Cau 115. Pit r=e¢". V6i x€(0;In2) =1 &(1;2)

Phuong trinh f (ex) =m c6 nghi¢m thudc khoang (O;1n2) khi va chi khi phuong trinh f (l‘) =m cd nghiém
thudc khoang (1;2) & -3<m<0.

Cau 116. bit In* x=¢ véi xe(l;e] khi @6 t':21nx.l>0Vxe(1;e] nén te(O;l].
X

ycbt < f(t) =m c6 nghiém trén ntra khoang (0;1] S me [—l;l) .

Cau 117. f(sz)—%:o@f(ﬂ)=$ (1)

Phuong trinh 7* =k c6 nghiém duy nhat khi k>0
2

Dé phuong trinh (1) c6 hai nghiém phén biét thi duong thang (d):y = M~ phai cit d thi tai hai diém

2
"l e <9 3<m<3

phén bi¢t c6 hoanh 6 duong < —1<
Theo yéu cau bai toan thi c6 5 gi tri nguyén cia m thoa mén.

Cau 118. Ta co: 2.f(3—3\/—9x2+30x—21)=m—2019@f(3—3\/—9x2+30x—21):

m—2019
B

bat t:3—3\/—9x2 +30x—21, vi ¢t xac dinh khixe[l;%} nén te[—3;3].

Khi d6 phuong trinh da cho c6 nghiém khi fng} f)s———x max f'(¢).

m—2019

Dua vao do thi, ta c6 —5 < <1 = 2009 <m<2021—"%>5m e{2009;2010;...;2021} .

Vay c6 13 gid tri nguyén ciia m thod man.
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Cau 119. Phuong trinh f(\/ 4x—x* — 1) =m c6 diéu kién 0 < x <4. Ta c6 bang bién thién

%0 \o//,

Tir bang bién thién suy ra, véi 0< x <4 thi —1<v4x—x* —1<1.Pat t =+4x—x*> -1, —1<¢<1.(C6 thé

bién doi £ =/4—(x-2)" -1 =>-1<¢<1).

9
4o — x*

Phuong trinh da cho tré thanh f (t) =m (1). Phuong trinh da cho c¢6 nghiém < (1) c6 nghi¢m ¢ € [—1; 1]
< 4<m<0.

Chu 120. Dt t=|x+m|>0
Voit=0=x=m

Véimdi gia tri £ >0 sé img voi 2 gia tri x
Ta ¢ phuong trinh : f(¢)=m (£>0) (*)

Dé phuong trinh c6 4 nghiém phén biét thi (*) cd 2 nghiém phan bi¢t duong
Tir 46 thi ciia ham sé y :f(t) trén mién £ >0 = " 4

Vay c6 1 gia tri nguyén théa man

Cau 121. Piat 1= g(x)=+4—x? vdi xe[-V2;3).

Suyra: g'(x)= Al

Va-x°
g'(x)=0 x=0e[-2;3).
Ta co:

g(0)=2, g(v2)=+2, g(\/3)=1.

Ma ham s g(x) lién tuc trén [-v/2;/3)

Suy ra, t €(1;2].

Tir 40 thi, phuong trinh f(¢) =m c¢6 nghiém thudc khoang (1;2] khi m e (-1;3].
Cau 122. Chon C

Dit t=§+1,khi D<x<2thi 0<s<2.

Phuong trinh d cho tro thanh %f(t)+2t—2 =m < f(t)+6t—6=3m.

Xét ham s6 g(t) = f(t)+ 6t — 6 trén doan [0;2] .

Taco g'(t)=f"(¢t)+6. Tu dd thi ham s6 y = f(x) suy ra ham 5O £(1) ddng bién trén khoang (0;2) nén
f'(1)>0,vte(0;2) = g'(¢)>0,Vre(0;2) va g(0)=-10; g(2)=12.

Béng bién thién cta ham s6 g(t) trén doan [0;2]

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 68




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG DT:0946798489

S

t |0

g1t +

g.r«tz_; /

-10

Phuong trinh da cho c¢6 nghi¢m thudc doan [—2;2] khi va chi khi phuong trinh g(t) =3m c6 nghi¢m thudc

doan [0;2] hay —10<3m<12 @—%Smﬁ#

Mait khac m nguyén nén me{—3;—2;—1;0;1;2;3;4}.

Vay c6 8 gia tri m thoa man bai toan.

Cau 123. Tir hinh v&, ddt f (x)=ax’ +bx* +cx+d,(a#0). DO thi ham sb di qua gbc toa dd O nén d =0.
—a+b—-c=2 a=1

Ta c6 h¢ phuong trinh ya+b+c=-2 =1b=0 . Do do f(x):x3—3x.

4a+2b+c=1 c=-3

bat t=cosx,xe{%;ﬂ):>te(—l;0]:>f(cosx)=f(t)=t3 —3¢ v6i te(-10].

f'(t)=31=3<0,vt e(~1;0]= f(¢) nghich bién trén (-1;0]= 21 (¢) e[ 2/ (0); 2/ (-1))

hay 2f(t)e[0;4).£)ét u= 2f(t):>ue[0;2):>m:f(u):u3—3u voi ue[0;2).

Taco f'(u):3u2—3:>f'(u):0<:>u:le[0;2).

Bang bién thién cua f (u).

i 0 1

)

£(u) - 0 +

0
f[u] \ /

Tir bang bién thién suy ra phuong trinh ¢6 nghiém < -2<m < 2.
me|-2;2

:>{ [ )<:>me{—2;—1;0;1}.
meZ

Cau 124. Chon B
Tir d6 thi ham s va phuong trinh (x) =1 ¢6 ba s6 thuc a,b,c¢ théoa —1<a<l<b<2<c sao cho

fla)=f(b)=f(c)=1. Do do,

]

f(x)=a
JU)=1=] f(x)=b
fx)=c

Dua vao dd thi ham sé y = f(x) ta co:
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Do —1<a<1 nén dudng thing y =a cat d6 thi ham sb y = f(x) tai 3 diém phan biét. Do d6, f(x)=a co
3 nghi¢m phan biét.
Ta lai c6, 1<b <2 nén duong thing y =5 cit dd thi ham sd y = f(x) tai 3 diém phén biét khac. Do do,
f(x)=5b cb 3 nghiém phan biét khac cac nghiém trén.
Ngoai ra, 2 <c nén duong thang y = b cat d6 thi ham sd y = f(x) tai 1 diém khac cac diém trén. Hay
f(x)=c cb 1 nghiém khéc cac nghiém trén.
Tir 46, s6 nghiém ciia phuong trinh £ (f(x))=11a m=7.

2x

Cau 125. Vi: x2+122|x|:>¢ﬁlz>—lé2—él
x°+1 x°+1

Tir 46 thi thay

xe[-L1]= f(x)e[-2;2]
xe[-2:2]= f(x) e[-22]
Xét phuong trinh

f(f(fij}:m.f)étt: 22x ;u=f( 22x j
x +1 x +1 x +1

Vite [—l;l] =ue [—2;2] = f(u)e [—2;2]
Vay dé phuong trinh ban dau c6 nghiém thi f(u)=m c6 nghiém thugc doan [-2;2]

nén me[-2;2].

Dang 3.9 Mt s6 bai toan twong giao lién quan dén do thi f(x), g(x), £(x) f(u) khac.
Cau 126.

Loigiai

vl

L\ /
A\

-2 ) 2

T=

gx)=ff(x)]= @ =r).rf(x)]
g =0 f'(x).f[f(x)]=0
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x=x¢€ (-2;-1)
x=0
x=1x,€(1;2)
f'(x)=0 x=2
S rTr])=0 T f(@)=x e (-2 1) x=x, <2
f(x)=0e xe{-2;0;2}

_f()c)=2<:>xe{367;96,3;)c9},)c4 <X, <Xy < X5 < X < X
Két luan phuong trinh g’(x) =0 c6 12 nghiém phan biét.

Cau 127. Nhan xét tir 6 thi @ <0.

Taco f'(x)=4ax’ +3bx’ +2cx+d = 4ax(x—2)(x+1) = 4ax’ —4ax’ —8ax.

p=_2a
3
=<c=-4a = a+c=a-4a=-3a>0.
d=0

Cau 128. Chon B
BBT cua ham s6 y = f(x)
X | —» 0 3

f)=x,e(1;2) o xe{x;x55%},% <x, <x, <0< 2<x,

¥ ; 0 - 0 B

BBT ctia ham sb y= f (|x|)
—0 -3 0

TR
-~ -

Tt

y' + 0 — 0 +

(FS]

1) H
, / ~.

BBT cuia ham s6 y =|f(x))
3

f(3) f(3)

IVAVAY,

N
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Suy ra phuong trinh ‘ f (|x|)‘ = mc6 nhiéu nhat 1a 6 nghiém.

Cau 129.
Nhan xét: D thi ham y = f7(x) cdt truc hoanh tai diém x, thi x, la diém cyc trj cia ham y = f(x). Dua

vao hai d0 thi dé bai cho, thi (C,) 1a dd thi ham y = f(x) va (C,) 1a dd thi ham y = f'(x).

Xét phuong trinh hoanh d¢ giao diém cta do thi ham s6 y = f(x) va y =me" ta co:

f(x):mex<:>m=f—xx).

bat g(x)=%xx) ta co:
g'(x) SEAC et AC)! (x)e:f(x) :

x=1
g’(x)zO@f’(x)zf(x)@ x=2

x:xoe(—l;O)
Dua vao do thi cia hai ham s6: y = f(x) va y = f'(x) ta duogc:

x |0 1 2
g A
' 0
g®)|ro) = T —fg}

Q

Yéu ciu bai tod . f(Z) N A £ _

éu cau bai toan ta suy ra: ——=<m <0 (dwa vao do thi ta nhan thay f(0)= f(2)~-2)
e

< —0,27<m<0.

Suyra: a=-0,27,b=0.

Vay a+b=-0,27.

Cau 130. Chgn A

Xét phuong trinh [f’(x)]z =1 (x).f"(x) (1)

Do f(x)=0 c6 banghiém x,,x,,x,(x, <x, <x;) va f'(x;)=0 suyra x, la mdt nghiém cua (1)

Taco f(x)=a(x—x)(x—x)(x—x)",(a#0)

Véix¢x3:>(1)<:>[f,(x)j =0@( R j:o
x X,

f(x) -x, X-x, XxX-—
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& - ! - ! — 2 > =0 v0 nghiém.

(x-x) (x-x) (x-x)

Vay, phuong trinh (1) c6 ding mot nghiém x = x;.
Cau 131. Chon B

Véi xe[—l;%}: 2x—le[—3;4]: g(2x—1)e[—3;4]:>tzl—g(2x—l)e[—3;4]

Vay ta can im m dé phuong trinh f (Z) =m c6 nghiém thudc doan [—3;4]

& fglﬂf(l‘) <m< I[TEIBB;.Z](f(l) & El}lﬂf(l‘) <m <2 trong do El}lﬂf(t) e(-1;0). Vay cdc s6 nguyén can tim
la ae{0,1,2}

Cau 132. Chon B.

_x:xl (—3 <X <—2)

x=-1

Quan sat dd thi ta thdy: f(x)=0<|x=x,(1<x, <2)

x=x(2<x<3)

x:x4(4<x4<5)

(x)
(x)
Do d6: f(g(x))=0<:> g(x)=x,(3
(x)
(

Phuong trinh (1) c6 dung 1 nghiém; Phuong trinh (2) c6 dung 3 nghiém; Phuong trinh (3) c6 dung 3
nghi¢m; Phuong trinh (4) c6 dung 3 nghiém; Phuong trinh (5) c¢6 dang 1 nghiém. Tt ca cac nghiém trén
déu phan biét nén phuong trinh f ( g (x)) =0 c6 dang 11 nghiém.
xzxs(—2<x5 <—1)
Quan sat do thi ta thiy: g(x)=0 < |x=x,(0<x, <1)
x=3
S (x)=x5(6)
Do d6 g(f(x))zO | f(x)=x,(7)
f(x)=3(8)
Phuong trinh (6) c6 5 nghi¢m; Phuong trinh (7) c6 5 nghi¢m; Phuong trinh (8) cO 1 nghi¢m.
Tét ca cac nghiém nay déu phéan biét nén phuong trinh g ( f (x)) =0 c6 ding 11 nghiém.
Vay tong s6 nghiém cua hai phuwong trinh f(g(x)) =0vag (f(x)) =0 la 22 nghiém.
Céu 133. Tir d6 thi cia ham s6 f'(x) ta c6 BBT
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X | - —2 0 2 5 6 +o0

3’ — o+ 0 - 0+ 0 - o0 +

V| e f(o f(5) o0
f(-2) £(2) £(6)

Goi S, 1a dién tich hinh phang gidi han boi y= f' (x) y=0;x=0;x=2
Goi S, 1a dién tich hinh phang gidi han boi y= f' (x) y=0;x=2;x=5
Goi S, la dién tich hinh phang gidi han boi y= f' (x) y=0;x=5x=6

S, = F'(x)ds=1(0)-12): 5, If =1 (5)=1(2): 8,==[ 1 '(x)ds =1 (5)-1(6)
Ttrdéihitathéy S,>8,= f(5)-f(2)>£(0)-1(2)=|r(5)> 1(0)
va S, +8,<8,= £(0)-£(2)+ £(5)-£(6)< £(5)- £ (2)=]7(6)> £ (0)
Khi d6 ta ¢6 BBT chinh xac ( dang do thi chinh xdc ) nhu sau:

X | —» —2 0 2 5 6 +0
v - o + 0 — 0 + 0 —
¥V | 4+

f(5)
~ /

1(6)

./ N

J(2)

Vay phuong trinh f (z) = f(0) c6 2 nghi¢m thuge doan [—2 : 6}
f'(x)=0

L] o )

Cau 134. Taco: g'(x)=f"(x) /[ f(x)]=0 {

Theo d6 thi ham s6 suy ra.
x=0 .
f’(x)=0<:>{ ,VOi 2<a <3.
X=a

f'[f<x>]=0@[ !

Phuong trinh (1): f(x)=0c6 3 nghiém phan biét khac nghiém phwong trinh (*).

Phuong trinh (2): f(x)=a; c6 3 nghiém phan biét khac nghiém phuong trinh (1) va phuong trinh (*).
Vay phuong trinh ban dau c6 8 nghiém phén biét.

x=1

CAu 135. Nhin vao d thj ham s dat cuc tritai x=1; x =—1. Hay f (x) =0 {

Taco g (v)=1'(x). (/(x)
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x=1
e f'(x):O - :xz—l
$OZ0S ] (r)=0 Z 1001
i f(x)=—1
) |
S 14

Dua vao dd thi ta co:
+ dudng thang y =1 cdt do thi ham s tai 3 diém hay phuong trinh f(x)=1 c6 3 nghiém.

+ dudng thang y =—1 cdt do thi ham s tai 1 diém hay phuong trinh f(x)=-1 c6 1 nghiém.
Vay phuong trinh g (x)=0 c6 6 nghiém.
Dang 4. Bi toan tiép tuyén
Ciu 136. Xétham y= f(x) = +3° =2 = f(x) =3x> +6x = f(1) =9.
Taco x,=1= y,=2= M,(1;2).
Phuong trinh tiép tuyén tai diém M, 0 (1;2) c6 dang:
y=yy =) (x—x)) = y-2=9(x-1) = y=9x-7.

CAu 137. Tap xacdinh D=R\{l}. Taco y' = ( _21 -
x_
Goi M (x,;y,) thudc dd thi ham sé y = — +13 .
x_

Taco x,=0 thi y,=—3 nén M (0;-3).

Ma y'(0)=-2.

Véy phuong trinh tiép tuyén tai diém M (0;-3) la y =—2x-3.

Cau 138. Chen C

Ta c6 hoanh db tiép diém cua tiép tuyén 13 nghiém cua phuong trinh x* +3x=4 < x =1
Tacd y'=3x"+3

Hé s6 goc cua tiép tuyén la k = y'(1)=6.

Cau 139. Chon B

. : 1
Ta co y :mjy (1)25

Phuong trinh tiép tuyén ctia do thi ham sé tai diém M (1; 0) la
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y:%(x—l)+0 @y:%x—l.

2
Cau 140. Chon C
-1
(x—1)°
Puong thang d qua A c6 hé s goc k 1a y=k(x—a)+1

PKix=1;y'=

-x+2
k(x—a)+1= - (1)

-1
k= (x—1)2 (2)

d tiép xuc véi (C) < c6 nghiém.

— (x—a)+1=L+2<:>—x+a+x2 —2x+1=—x*+3x-2,x#1

(x—1)° x—1
< 27 —6x+a+3=0(3)

Dé d6 thi ham s6 c6 mot tiép tuyén qua A thi hé 1a s6 nghiém cta hé phuong trinh trén c6 nghiém duy nhat

Thé (2) vao (1) ta co:

<> phuong trinh (3) c6 nghiém duy nhat khac 1
_{A' =9-24-6=0

5 1-6+a+3=0 a=
& 2x"-6x+a+3=03)

N Ww

=
A'=9-24-6>0
2-6+a+3=0

Ciach2: TXD: D=R\{l} ; /=1

(1)

Gia st tiép tuyén di qua A(a;1) 1a tiép tuyén tai diém c6 hoanh do x = x,, khi d6 phuong trinh tiép tuyén c6

-1 —X,+2
———(x—x,)+ d
(x0_1)2( 0) xo_l ( )
Vi 4 ed nénthay toa do diém A vao phuong trinh dudng thang d ta c6 :
- — 2x; —6x,+3+a=0(1
1= ! s(a—x)+ xo+2c> ’ " (1)
(% —1)
Dé chi c6 mot tiép tuyén duy nhat di qua A thi phuong trinh (1) cé nghiém duy nhat khac 1

dang: y=

x()_l xoil

[(A'=9-24-6=0
1—6+a+3%0 g3
= j— 2
AN=9-2a4-6>0 B
a=1
| 2—-6+a+3=0

Cau 141. Chon D

Phuong trinh dudng thang MN c6 dang 5 _VTh hé s goc cua duong thing MN 1a
X=X N
k= = =3.
X~ X
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Vay tiép tuyén tai A(xo;%xg —%xéj cohé sé goc k=3 < f'(x,)=3 @%xg —%xo =3
x, =-1

@%xg—%xo—?):O@ x,=3

+)Véi x, =-1= A(—l;—%j = Phuong trinh tiép tuyén y = 3x+% .

x=-1
Xét phuong trinh hoanh d¢ giao diém %x“ 1y =3x+1§1 @éx“ —%xz —3x—%=0 olx=1+V3 =

X :1—\/5
13 , ~ 2 s
A —1;—; thoa man dé bai.
+)Véi x, =3 = A(?); —%j Phuong trinh tiép tuyén y = 3x —%.
Xét phuong trinh hoanh dé giao diém %x“ A —IQTS iy T 3,5

& (x-3) (x2 +6x+13) =0 < x=3 = Tiép tuyén cat do thi tai mot diém = A(3;—%j Khong thoa

man.
+) Véi x, =—2 = A(-2;,—5) = Phuong trinh tiép tuyén: y=3x+1.
Xét phuong trinh hoanh d6 giao diém %x“ A L S A S SO
x=-2
2( .2 . x aA 1.
<:>(x+2) (x —4x—2):0 = x:2+\/g = A(—Z;—S) Thoa man dé bai.

x=2-6
Vay c6 hai diém thoa méin yéu cau bai toan.
Cau 142. Chgn D
Taco Ae(C)= A(t;lt4 —thj
4 2
y=x-Tx=)y'(t)=F£ -7t
Phuong trinh tiép tuyén ctia (C ) tai 4 1a
1 7 3 7
=(-7t)(x-t)+=t' = < y=( -Tt)x-=t* +=¢
y=(0 =)k 3 e (7 =70)x =0 5
Phuong trinh hoanh d¢ giao diém:
1y Ty =(r —7t)x—§t4 Ly
4 2 4 2
© x' —14x —4(F = Tt)x+3t" —141 =0
e (x—1) (x* +20c+3 -14) =0
x=t1

Tl a2+ —14=0(1)
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Tiép tuyén cdt do thi (C) tai hai diém phan biét M (x,;»,); N(x,;¥,) khac 4 khi phuong trinh (1) ¢6 hai
nghi¢m phan biét khac ¢

<:>{t2(3t214)>0 - _ﬁf/_;ﬁ o)

2 +22+32 -14#0 t;tiT

Khi do
3 7
x1+x2:_2t . yl:(t3_7t)x1_zt4+5t2 3
xx, =3t> —14 va 3 7 :>y1_y2:(t —71)()61—)62)
1Y = - —(£ —7 34,70
Y2 ( )x2 2 +2

Taco y, —y, =6(x, —x,) < (t3 —7t)()c1 -x,)=6(x, —x,)

t=-1 (n)
e =Tt-6=0(t+1)(f —1-6)=0 ©[§2+—1t_—06—0© t=-2 (n) (do (2))
=3

V6i £ =1 tach A(—l;—%)

OV6i t=-2 tacd A(-2;-10)
= ¢6 hai diém thoa yéu cau bai toan.
Cau 143. Chgon D

Cach 1:
Goi d 1a tiép tuyén ctia (C ) tai 4.

=7
y’:§x3—§x:>y'20<:> x=0

=7
Do tiép tuyén tai A cat (C) tai M, N = x, e(—ﬁ;ﬁ).

X, =

Ta c6: yl—y2:8(xl—x2):%:8:kd:8.Suyra§xj—%x/1=8<:> x,=-1.

X, =-2
/ , N X ,
Déi chiéu diéu kién: { 4 . Véy c6 2 diém A thoa ycbt.
X, =—
Cach 2:

Goi A(a%a“ —%azj 1a toa do tiép diém

Phuong trinh tiép tuyéntai 4 1a d:y= (%cf —?aj(x—a)jtéa“ —%az

Phuong trinh hoanh d¢ giao diém cua (C) va d la:
14282_(4328 1, 14 ,

—X ——X —a ——aj(x—a)+—a -—a
3 3 3 3 3 3
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X=da
x*+2ax+3a’> -14=0(1)
Dé (C) cit d tai 3 diém phan biét <> Phuong trinh (1) c6 hai nghiém phan biét khac a

@{A>O @ae(—ﬁ;ﬁ)\{iﬁ}

<:>(x—a)2(x2+2ax+3a2—14)=0<:>{

6a’ —14 %0 NE)
Theo dé bai: y, -y, =8(x, —x2)©(§a3 —?aj(xl —-x,)=8(x—x,)
a=3
icf’——a:8<:) a=-1.
3 a=-2

I I \ a 2 \
Doi chiéu diéu kién: { 5 Viay co 2 diém A thoa de bai.
a=-

Cau 144. Taco y'=4—-4sin2x.
Khi d6, hoanh d6 cua cac diém trén (C ) ma tai d6 tiép tuyén cua (C ) song song hodc trung voi truc hoanh
la nghiém cta phuong trinh:
V=0 4-4sin2x=0
. V4 Vs
osin2x=1< 2x=3+k27r<:>xzz+k7r(k €Z).

Cau 145. Goi x, 1a hoanh d¢ diém cuc tiéu ctia do thi ham sd. Khi d6 hé s6 goc cia tiép tuyén tai diém
cuc tiéu clia d6 thi ham sé 1a: y'(x,)=0.

Vay ta loai dap an A, C, D va chon dép an  B.

x=0
Cau 146. Tacd: Yy =—x" +4x;y =0 .
x=12
BBT:
x |0 -2 0 2 +o0
y' + 0 - 0 + 0 -
) 2Ty I
4 ll\‘. | i .
o e ™ L
/ e
—on 7 \ 3 —a0
Cau 147. Chon A
m#—1

Do thi ham s6 ¢6 tiém can ngang khi m(1—m)+2 0 <:>{ 5
m#

Khi d6 d6 thi ham sé c6 tiém cén ngang 1a y =m(A).
(A) tiép xtic véi parabol y=x"+7 < m=7.
—ab—-2

Caul49. C6 y/=————.
4 (ax—2)2
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Do A(1;-2) thudc do thi ham s6 nén by eb=3-24.
a_
Do tiép tuyén tai A(1;—2) song song v6i d:3x+y-4=0 nén y'(1)=-3 < —ab=2 =-3

a
Thay b=3-2a ta dugc phuong trinh —a(3—2a)—2:—3(a—2)2 < 5a°-15a+10=0 @{
a=

Voi a=2=b=-1 (loai,do ab#-2)
V6i a=1= b =1. Phuong trinh tiép tuyén tai A(—1;2) la y= —3(x+l)+2 song song voi d . Vay a=1,
b=1,suyra a-3b=-2.
Cau 150. He s6 goc tiép tuyén ciia dd thi ham sé y = x* —mx”* +(2m—3)x -1 1a
y' =3x" = 2mx +2m -3
Vi hé sb goc duong véi moi x nén ta co

, 2 a=3>0 2 2
V' =3x"-2mx+2m-3>0& A <0 S m —6m+9<0<:>(m—3) <0=>med.
<
Cau 151. Tir d6 thi ta c6 hai tiép tuyén vudng goc véi truc Oy 1a y=—1;y=-2.
Cau152. /=2 ~.
(x+1)
1-x,

Goi A(xo;l) e(C) thi

=1 x,=0.
x, +1
Tiép tuyén cua (C) tai diém A4 c6 phuong trinh: y = y'(O)(x—O) +y(0) =-2x+1.
Suy ra tiép tuyén song song vai (d )iy=-2x+2.
Cau 153. Didukién m #0. ‘ ‘
Phuong trinh tiém cén dirng va ti¢ém can ngang cua do thi ham so6 lan lugt la: x+2=0 va y—1=0. Phuong

2
trinh tiép tuyén ctia do thi ham sb tai diém c6 hoanh d6 bang m -2 1a: (d): y= 3—)2 + w bPuong
m

m

2 . e A , , A lc 1n K, o« 2. m—6 L ea A , A lc 1n £
thang d cat tiém can ding cia do thi ham so tai diém A(—2 ;—j va cat tiém can ngang cia do thi ham so
m

tai diém B (2m-2;1)

. e , Wl—6
theo gia thiét ta c6 2m—2+

=S5S=>m=Lm=-3.
m

Vay bing tong binh phuong cac phan tir cua S bang 10 .

. +2
Cau 154. Tép xéc dinh ctia ham sé y =——— 13 D =R {—3} .
2x+3 2

Ta co: y'=_—12<O,VxeD.
(2x+3)

Mit khac, AOAB can tai O = hé s gdc cua tiép tuyén la —1.
Goi toa d tiép diem (x,;, ), v6i x, # —% .
-1
2
(2x, + 3)
Véi x, =—1= y, =1. Phuong trinh tiép tuyén la: y=—x loaivi 4A=B=0.

Taco: y' = =-lox,=2vx,=-1.
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Véi x, =-2= y, =0. Phuong trinh tiép tuyén 1a: y = —x—2 thoa man.

Viyd:y=ax+bhayd:.y=—x-2=a=-1;b=-2=a+b=-3.
Cau 155. (C)cét truc tung tai diém c6 tung d6 bang —2 nén véi x=0 ¢o f(O):—2

:>£:—2:>b:—2d (D).

d

. / ad —bc A Y c 4R A d D PN A / o ion
Coy=f (x):—2 khong xac dinh tai diém duy nhat x = —— . Ttr 6 thi ham so y = f (x) O trén

(cx+d) c

ta thdy ham s6 y = f”(x) khong x4c dinh tai diém duy nhat x=—1. Vay A se—d ).
C

c=d ax —2c ac +2¢* a+2c
Tu (1) va (2) suy ra = f(x)= va f(x)= = .
( ) ( ) Y {b:—Zd:—Zc f( ) cx+c f ( ) (cx+c)2 c<x+1)2
Ta thdy d6 thi ham s6 y = f’(x) cét truc tung tai diém y =3 nén x=0= f’(0)=3
a-+2c , . x—2
= =3=a=c= = =
y a=c=f (x) (x+1)2 va f(x) "

voi truc hoanh tmg véi y =0=x=2 va f’(2):l

Giao diém cta db thi (C) ciia ham'sé y = / (x)=" j 3
X

nén phuong trinh tiép tuyén can tim la: y = %(x— 2) +0&x-3y—-2=0

Cau 156. Taco y' =—-3x"+6x—1; y=

%x—é] y' +§x +%. Suy ra phuong trinh duong thing di qua

hai diém cuc dai va cuc tiéula A: y= §x+13—1 .
Do M, N la hai diém di d6ng trén do thi (C ) cua ham s y = —x" +3x” —x+4 sao cho tiép tuyén cua (C )
tai M va N ludn song song voi nhau, nén ta xét truong hop M,N la hai diém cuc tri caa dd thi, khi d6
phuong trinh MN chinh 14 phuong trinh dudng thang A .
Thir truc tiép ta duoc diém Q(I;S) € A, cac diém con lai khong thudc A.
Cau 157. Chon C
Tiém cén dimg d,: x+1=0, tiém can ngangd,: y—1=0 = tam doi ximgla 7(-1L1).

a+2 (d)

Phuong trinh tiép tuyén tai diém M (a;a—”j e(C) la: y= -1 (x—a)+ |
a+

a+1 (a+1)2

-1 a+2
‘a Craoveal Lo ) )
Khi dé d(1,d)= - _ <2 _5.

1 1 2 1 2
—+1 —+1 a+l) +
(a+1)4 \/(a+1)4 \/( ) (a+1)2
x2—2mx+m_ 3m* +m 3m* +m

Cau158. y=—"———=x-3m+ =y =1- =
x+m xX+m (x+m)

2

Xét phuong trinh hoanh d6 giao diém cua d6 thi ham sé da cho vdi truc Ox .
2 —

X Z2mxtm < f(x)=x"-2mx+m=0 (*) (x=-m).

X+m
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Dé d6 thi ham s di cho cit truc Ox tai hai diém phan biét va céc tiép tuyén tai hai diém d6 vudng goc voi
nhau thi phuong trinh (*) phai c6 hai nghiém phén biét x,;x, khac —m va y'(x).)'(x,)=—1.

m>1
m<0
AN=m’"-m>0 m=0
<3 f(-m)=3m’+m=0 o | &m=5.
m#——
, , 3m® + 3m® +
J’(xl)'y(xz): 1= mz 1-— mz =-1 m=0
(x,+m) (x, +m)
m=>5
Cau 159.
Loigiii
Chon B
y'=x"—6x

Goi A(xo;%xg -3x;) latoa do tiép diém cuia tiép tuyén tai A. Phuong trinh tiép tuyén tai A 1a duong thing
(d) c6 phuong trinh:

y=(x; —6x,))(x—x,) +%x§ -3x;

Phuong trinh hoanh d6 giao diém cua (d) va (C) la:

(x; —6x0)(x—x0)+%xg —3x; :%x“ -3x" & (x—x,)° (X" +2x,x+3x, —=12) =0

x—x,=0

| X% +2x,x+3x,-12=0 (2)

(d) cat (C) tai hai diém phan biét khac A khi va chi chi phuong trinh (2) c6 hai nghiém phén biét khac x,
- X, # +2 3)

| —V6 <x, < J6

Khi d6, phuong trinh (2) ¢6 hai nghiém phan biét x,,x, va (d) cit (C) tai hai diém phan biét M (x,; y,),

=

N(x,;y,) trong do:
1 1
» = (x) = 6x,)(x, _xo)"'zxg =3x; ¥, = (x5 = 6%,)(x, _x0)+zxg ~3x;

= ¥ =¥, = (x5 = 6x,)(x, —x,)
Tir gia thiét ta suy ra:
(x; —6x,)(x, —x,) =5(x, —x,) © x; —6x, =5 (Vi x, #x,)

x,=-—1
—1-21
= xO:T
—1+\/i
xozT

Két hop vai diéu kién (3) c6 hai gia tri x, thoa min yéu cu bai toan 1a 1421
x —
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Cau 160. Chon B

A 1 A A \ 2 d \ N A Ja
D6 thi ham s0 nhén dudng thang x = —— =-2 lam tiém can diung.
c

D6 thi ham s6 nhan dudng thang y = 22 lam tiém can ngang.
C

Vay 1 (—2;2) 1a giao diém ctia hai duong tiém can.
TXD: D=
7

T

Goi tiép tuyén tai M (x,;y,) cua dd thi ham sé y = c6 dang:

x+2

7 2
—( s(x—x))+
X, +2) X, +2

2x. —
:%-(_2_’%)"' X 3
(x,+2) X, +2
2:—_7 2.(x0+2)+2x°_3 2= il +2x0—3
(x,+2) X, +2 (x,+2) x,+2
2x,-10

X, +2

A:y:y'(xo).(x—x0)+y0 hay A:y=

Vi A diqua /(-2;2)=2

2=

< 4=-10, phuong trinh v6 nghi¢m.

Vay khong ton tai tiép tuyén nao cia d thi ham s y = 5
X+

ma di qua giao di€m cua hai ti€ém can.
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