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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

GIAI TICH 12 - CHUONG 1
UNG DUNG PAO HAM PE KHAO SAT VA VE PO THI CUA HAM SO
§1. SU PONG BIEN, NGHICH BIEN CUA HAM SO
A. PHAN KIEN THUC CHINH
I. TINH PON PIEU CUA HAM SO

1. Hoat dong khéi dong
* Tro choi “Quan sdt hinh anh”. M6i nhdm viét 18n gidy A4 cac khodng dong bién, nghich bién
cua cua cac ham sé tuwong g tir do thi sau:

y

e dmhnghia
Ki hiéu K la khoang hoic doan hoac nira khoang. Gia sirham sé y = f (x) x4c dinh trén K.

y = f(x) dong bién trén K < x,%, e K:x, <x, = f(x)< f(x,)

y = f (X)nghich bién trenK < X, %, e K:x <X, = f(x)> f(x,)

Ham s6 dong bién hozc nghich bién trén khoang K duoc goi chung 12 ham sé don diéu trén K

*Néu ham sb dong bién trén K thi do thi caa né di 1én tir trai sang phai (Hinh &), néu ham sé
nghich bién trén K thi do thi cta n6 di xuong tur trai sang phai (Hinh b).

) | v

Hinh a Hinh b

3. Tinh don diéu va ddu cia dao ham

Pinh li: Cho ham s6 y = f (X) c6 dao ham trén K.
e Néu f'(x)>0,vxeK thi y=f(x) ddng bién trén K.
o Néu f'(x)<0,vxeK thi y=f(x) nghich bién trén K.
e Néu f'(x)=0,vxeK thi y= f(x) khong doi trén K.
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* Chi y: Gia sitham sé y = f (X) c6 dao ham trén K. Néu f'(x)>0 (f'(x)<0),vxeK va

f'(x)=0 chi tai mot s6 hitu han diém thi ham s6 dong bién (nghich bién) trén K.

4. Vi du: Tim cac khoang don diéu cia ham sé:
a) y=2x-1
b) y=—x*+2x

I1. QUY TAC XET TiNH PON PIEU CUA HAM SO
1. Quy tic

1. Tim tép x4c dinh. Tinh f'(x).
2. Tim c4c diém tai do f'(x)=0 hoac f'(x) khong x4c dinh.

3. Sip xép cac diém do theo thir ty ting dan va 1ap bang bién thién.
4. Két luan ve cac khoang dong bién, nghich bién caa ham so.

2. Vidu

Xét sy dong bién, nghich bién cia ham sé

a) y=x>-3x+2

x-1
b) v=—-—=
)Y X+1

C) y=x"—-2x*+2
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B. LUYEN TAP
. Bai tap SGK

Bai 1/9. Xét s d6ng bién va nghich bién cua ham sé: y :%x3 +3x2—7x=2

Bai 3/10. Ching minh rang ham sé: y = 2X 1 dong bién trén khoang (—1;1) , nghich bién trén
X"+

khoang (—oo;—l) va (1; +OO).
I1. Bai tap trac nghiém

Caul. [Micdd 1] Chohamsb f(x) co bang bién thién nhu sau:

z | —oo 1 0 1 +00
() — 0o+ 0 - 0 +
+oo +oo
4
fx) \ / \ /
—1 —1

Ham s6 da cho dong bién trén khoang nao dudi day?

A. (—0;-1), B. (0;1). C. (-11). D. (-10).
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Cau 2.

Cau 3.

Cau 4.

Caub.

Cau 6.

Cau 7.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
(Mike d9 1) Cho ham sé y = f (X) c6 bang xét ddu dao ham nhu sau

‘—00 -2 0 2 +0
+ 0 _ H — 0 +

r

}f

Ménh dé nao dudi day ding?

A. Ham sé nghich bién trén khoang (—o0;-2).
B. Ham s6 ddng bién trén khoang (—2;0).

C. Ham sb ddng bién trén khoang (—0;0).

D. Ham sb nghich bién trén khoang (0;2).

(Mie @9 1) Cho ham s6 y = f (X) 6 d6 thi nhu hinh v& bén. Ham sé da cho dong bién trén
khoang nao dudi day?

| Ly |

A. (—0-1). B. (-11). C. (-10). D. (0;1).

(Mike @9 2) C6 bao nhiéu gié tri nguy@én cia tham s6 m sao cho ham s

1 3 .
f(x) =§x3 +mx’ +4x+3 ddng bién trén R .

A. 5. B. 4. C. 3. D. 2.

(Mtrc @9 2) Chohamso y = X+9 vGi m latham so. Goi S la tap hop tat ca cac gia tri

X+m
nguyén caa m dé ham sé nghich bién trén cac khoang xac dinh. Tim sb phan tir caa S .
A 4. B. V0 s6. C. 3. D.5.

(Mire d6 2) Tap hop tat ca cac gia tri caa tham s6 m dé hamso y = dong bien trén

khoang (—1+o) Ia

A (-2:1]. B. (-2;2). C. (-2-1]. D. (-2-1).

A e A A < 2 . X+4 .
(Mtrc d9 2) C6 bao nhiéu gia tri nguyén am cua tham so m dé hamso y = 5 + nghich
m
bién trén khoang (—3;4)
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A 1. B. 2. C. 3. D. V6 sd.
Caus8. (Mirc dd 3) Chohamsd y=f(x). Himsd y = f (x) co do thi nhu hinh bén. Ham s
y = f (2—x) ddng bién trén khoang

vk

N
[N

A. (2;+). B. (-2:1). C. (—»;-2). D. (13).

Cau9. (Mirc dd 3) Cho hamsd f (X) cd bang xét du ciia dao ham nhu sau

x ‘ —0 1 2 3 4 +a0

£ x) ‘ - D + 0 + 0 - 0 +
Ham sé y =3f (x+2)—x°+3x ddng bién trén khoang nao dudi day?
A. (—o0;-1). B. (-10). C. (0;2). D. (L+o0).

Cau 10. (Mire d9 3) Cho hamsé f (x). Ham sé y = f'(x) c6 dd thi nhu hinh bén. Ham s6
g (X) = f (1— 2X)+ x> —x nghich bién trén khoang nao duéi day ?

>

~—_
\J

2

A (1;§j. B. (o;lj. C. (-2,-1). D. (23).

Cau 11. (Mirc d9 1) Cho ham sé y = f (X) c6 bang xét diu cua dao ham nhu hinh v&. Ham sé da cho
nghich bién trén khoang nao dudi day?

—o -1 1 +oo

I
|
_ | _ 0 +

A. (1;+oo). B. (—oo;l). C. (—1;+oo). D. (—oo;—l).
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Cau 12. (Mirc d9 1) Cho ham séy = f (x) c6 bang bién thién nhu sau

T —00 -1 0 1 +00

f'(z) - 0 + 0 - 0 +

+00 3 +00

Ham s6 da cho nghich bién trén khoang nao dudi day?

A. (-10). B. (—0;0). C. (L+). D. (0;1).
Cau 13. (Mire dd 1) Cho ham sé y = f (x) c6 bang bién thién nhu hinh duéi day. Ménh dé nao sau day
la dung?
X 1
—0 —— 3 40
2
V' + + 0 -

A. Ham s6 da cho dong bién trén khoang (—%;Jrooj .

B. Ham s6 da cho dong bién trén khoang (—o;3).

C. Ham s da cho nghich bién trén khoang (3;+0).
D. Ham s6 da cho nghich bién trén cac khoang (—oo;—%j Va (3;+0).

Cau 14. (Mire @9 1) Chohamsé y = f(X) c6 d6 thi nhu hinh v&. Ham s6 da cho nghich bién trén
khoang nao?

/_é \U/ 2 \T
A. (-2;0). B. (-;0). C.(-2;2). D. (0;2).

A N X—2 ; :
Céau 15. (Mirc do 1) Chohamso y= 1 Ménh d¢€ nao dudi day ding?
+

A. Ham s6 nghich bién trén khoang (—oo;+).

B. Ham sé nghich bién trén khoang (—1;+o).
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

Céau 20.

Cau 21.

Cau 22.

Cau 23.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
C. Ham s6 nghich bién trén khoang (—o0;-1).
D. Ham sb ddng bién trén khoang (—oo;—1).
( Mite @9 1) Ham s6 nao duéi day dong bién trén khoang (—oo;+0) ?

_X=2

= . C.y=3x"+3x-2. D.y=2x>-5x+1.
X+1

A y=x"+3x%. B.y

( Mike dd 1) Cho ham s y = x* —3x%. Ménh dé nao duéi day ding?

A. Ham s dong bién trén khoang (0;2).

B. Ham s6 nghich bién trén khoang (0;2).

C. Ham sb nghich bién trén khoang (—;0).

D. Ham sb nghich bién trén khoang (2;+).

(Mike @9 2) Tim m dé ham sé y = x> —3mx’ +3(2m—-1)+1 dong bién trén R .

A. Khong c6 gid tri m thoa man. B. m=1.

C. m=1. D. Lubn thoa man véi moi m .

N X N -, . o A A e X+ 2 —-Mm . - X A ,
(Mire d6 2) Tim tat ca gia tri thuc cia tham so m dé hamso y = il nghich bien trén cac
X+
khoang ma n6 xac dinh?

A. m<1. B. m<-3. C. m<-3. D. m<1.

2 . £ L ) X+4 .5 - £ N
( Mire dg 2) Tap hop tat ca cac gié tri thuc cia tham so m dé€ hamso y = dong bien trén

X+m

khoang (—o0;—7) 1a
A [4;7). B. (4;7]. C. (4;7). D. (4;+®).

( Mire d9 2) XA4c dinh céc gia tri ciia tham sé m dé ham s6 y = x* —3mx* —m nghich bién trén
khoang (0;1)?

A. m>0. B.m<%. C. m<0. D.mz%.

( Mire @9 2) Cho ham s6 y = f (X) c6 dao ham '(x)=x(x—2)’, véi moi x € R. Ham s6 da
cho nghich bién trén khoang nao dudi day?

A (L 3). B. (-1 0). C.(0;1). D. (-2;0).
( Mite @9 2) Ham s6 y = f (X) c6 dao ham y’ = x*. Ménh dé nao sau day ding?

A. Ham s6 nghich bién trén R .
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B. Ham s nghich bién trén (—0;0) va dong bién trén (0;+).
C. Ham sb ddng bién trén R .
D. Ham s6 dong bién trén (—o0;0) va nghich bién trén (0;+w).

Cau 24. ( Mikc dd 3) Cho ham sé f (X) cd bang dau f'(X) nhu sau:

X — 0 -3 -1 1 + o0
f(x) — 0 + 0 — 0 +

Ham sé y = f (5—2x) nghich bién trén khoang nao dudi day?
A. (3;5). B. (5;+x). C.(2;3). D. (0;2).

Cau 25. (Mire @ 3) Cho ham s6 y = f'(X)c6 db thi

nhu hinh vé

\

A. (-;0). B. (0;1). C.(12). D. (0;+00).
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GIAI TICH 12 - CHUONG 1
§2. CUC TRI CUA HAM SO
I. KHAI NIEM CU'C PAI, CUC TIEU

Cho @ thi ham séy = —%X(X—S)Z ¢6 hinh vé

YA

Dua vao db thi, hdy chi ra cac diém tai d6 ham s6 c6 gia tri 16n nhat trén khoang (%g}v

Gia sirham so y = f (x) xéc dinh va lién tuc trén khoang (a;b) (a cothé la —oo, b cothé 1a +oo) va
X, €(a;b).
Néu ton tai s6 h sao cho f(x)< f(X,) véi moi X (X, —h;X,+h) va x= X, thi tandi ham sé f (x) dat

cuc dai tai diém X,

Néu ton tai s6 h sao cho f(x)> f(x,) véi moi xe(x,—h;x,+h) va x#X, thi tandi ham s6 f (x) dat

cuc tiéu tai diém X,.

Chay:

Néu f'(x,) = 0 thi x, khong phai 1a diém cuyc tri.
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Néuhamso f (x) dat cuc dai tai diem x,, thi X, dugc goi 1a mot diém cye dai ciiaham sd f (),
f (X,) duoc goi la gia tri cwe dai cia ham sb f (x).
Néu ham sé f (x) dat cuc tiéu tai diém X,, X, duoc goi [a mot diém cyc tiéu ciia ham sé f (),
f (x,) duoc goi la gid tri cuc tiéu cia ham sé f (x).

Diém cuc dai va diém cyc tiéu duoc goi chung 1a diém cuc tri cia ham sé va diém cuc tri phai 1a
mét diém trong tap xac dinh K.
Gia tri cuc dai va gia trj cuc tiéu duoc goi chung 1a gia tri cuc tri (hay cuc trj).

Il - PIEU KIEN PU PE HAM SO CO CUC TRI

PINH
Gia su
,Vai h

a) Néu

LY 1
ham so y = f(x) lién tuc trén khoang K =(x, —h;x, +h) va c6 dao ham trén K hozc trén K\x,}
>0.

f'(x) >0 trén khoang (X, —h;X%,) va f'(x) <0 trén khoang (X,; %, +h) thi X, [a mt diém cuc

dai ctia ham sé f(X).

b) Néu f'(x) <O trén khoang (x,—h;X,) va f'(x)>0 trén khoang (X,;%,+h) thi X, 1a mot diém cuc

tiéu cua ham s f (x).

X ’XO - h Xy Xp + h X lxo - h Xp Xg + h
f'(x) o A—J - £, - 3
£ feo fx) \ /
l/ \ fer

Vidu 1: Tim cac diém cuc tri caaham sé y = x* —x* —x+3.

I11 - QUY TAC TIM CUC TRI

Ap dung Pinh i 1, ta c6 quy tac tim cuc tri sau day.

QUY TAC |

Buoc 1. Tim tdp xdc dinh.

Buéc 2. Tinh f'(X). Tim cdc diém tai @6 £ (X) bang 0 hogc f'(X) khdng xdc dinh.

Bueéc 3. Ldp bang bién thién.

Bueéc 4. Tir bang bién thién suy ra cac diém cyc tri.
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Vi du 2: Tim cyc tri cia cac ham s sau :

)y =x>-3x+1 2y=—x'+4x*+2 3)y=

PINH LI 2

Gid si-hamso y = f(X) cd dao ham cdp hai trong khodng (X, —h; X, +h), véi h>0. Khi dé :
a)Néu f'(x,)=0, f"(x,)>0 thi X, la diém cuc tiéu :

b) Néu f'(%,)=0,f"(x,)<0 thi X, la diém cue dai.

Ap dung Pinh 1i 2, ta c6 quy tac sau ddy dé tim cac diém cuc tri ciia mét ham so.

QUY TAC II
1. Tim tdp xac dinh.
2. Tinh f'(X). Gidi phuong trinh f'(x)=0 vaki hiéu x(i=12,...,n) la cac nghiém czia no.

3.Tinh f'(x) va f'(x).

4. Dyavao ddu cua ' (x) suy ratinh chdt cuc tri ciia diém X, .

4
Vi du: Tim cuc tri cia ham sé f (x) = XT—ZX2 +6.
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- Giatri cuc dai (cuc tiéu) f x, ctiahamsé f noi chung khong phai la gié tri 16n nhét (gia tri nho
nhét) cia ham s6 f trén tap xac dinh K ma f x, chila gia tri 16n nhat (gia tri nho nhat) cua ham
s f trénkhoang ab cK va ab chta x,.

- Néu f’ x khong ddi dau trén tap xac dinh kK caahamsé f thi hamsé f khdng cé cuc tri.

- Néu x, la mot diém cyc tri caa ham s f thi ngudi ta ndi rang ham s f dat cuc trj tai diém x, va
diém cOtoadd x,;f x, duoc goi la diém cuc tri ctia dd thi ham sé f.

; A
6@.\ YT Gia tri cue dai (cuc dai)

o&C’ \,\\,\\ _cuia ham s6
4 -,r > / P i

.\r@@ o ¥ 1, /\A

Q C:\},b . s

Diém cuyec tiéu
ctia ham s&

Diém cuc dai

Gia tri cuc tiéu . /) y/\C \/
(curc tiéu) = !6\0"}0’&
ctia ham s6 “© ) @6
O
B. BAI TAP
DANG 1

1. Cacvidu

Vi du 1. Tim gia tri cuc tiéu y.; cuiahamsé y=-x>+3x—4.

Vi du 2. Tim cyc tri cia ham s y = x* —2x* +3.

Vi du 3. Tim cyc tri cia ham s y =

Vi du 4. Tim cuc tri cia ham s6 y = x++/2x—x2 .

2. Bai tap tric nghiém

Caul: Giatricucdai Y, ciahamsé y=x*—3x+2 1a?

A. Yo =4. B. Yo =1. C. Yo =0. D. Yo =-1

Cau2: Tim diém cuctri X, cia ham sé y = x> —5x* +3x+1.

A. X, =-3 hodc xoz—%. B. X, =0 hoac xoz%.
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C. X, =0 hoac xoz—g. D. X, =3 hoac xozl.
3 3

Cau3: Tim diém cuc dai X, ciahamsd y = x> —3x+1.

A X, =-1. B. X, =0. C. %, =1. D. X, =2.

Cau 4: Tim cac diém cuyc tri cua dd thi caa ham sé y = x® —3x°.

A. (0;0) hogc (1;,-2). B. (0;0) hogc (2;4).

C. (0;0) hodc (2;-4). D. (0;0) hoic (-2;-4).

Cau5: Biétrang ham sé y = x> +4x* —3x+7 dat cuc tiéu tai X.;. Ménh d& nao sau day la dung?

A. XCT:%. B. X =-3. C. xCT:—%. D. X =1.

Cau6:  Goi Yqp, Yor lan luot 12 gid tri cuc dai va gia tri cuc tiéu ciia ham s6 y = x* —3x . Ménh dé nao
sau day la dung?

3

A Yer = ZyCD' B. Yer :EyCD' C. Yer = Yep- D. Yer =—Yeo-

Cau7: Goiy,, Y, lan luot 12 gia tri cuc dai va gia tri cyc tiéu cia ham s6 y = x* —3x* —9x+4. Tinh
P=y,.Y,.

A. P=-302. B. P=-82. C. P=-207. D. P=25.

Cau8: Chohamsé y=—x"+2x*+3. Ménh d& nao sau ddy la ding?

A. Db thi ham s6 ¢6 1 diém cuc dai va khong co diém cuc tiéu.

B. B4 thi ham s6 ¢6 1 diém cuc tiéu va khong co diém cuc dai.

C. D6 thi ham s6 ¢6 1 diém cuc dai va 2 diém cuc tiéu.

D. b6 thi ham sb ¢6 1 diém cuc tiéu va 2 diém cuc dai.

DANG 2

1. Cac vi du

Vidu 1l: Chohamso y= f(x) lién tuc trén R véi bang xét dau dao ham nhu sau:

Hoi ham s6 y = f (X) c6 bao nhiéu diém cuc tri?

A 2. B. 1. C.3. D. 0.
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Vidu2: Chohamsd y=f(x) xdc dinh, lién tuc trén R va c6 bang bién thién sau:

X —no -1 0 1 +00

x\._4 N s

Khing dinh nao sau day 1a dung?

A.Hamsd co bagiatricuctri.  B. Ham sb co ba diém cuec tri.

C. Ham sd ¢6 hai diém cuc tri. D. Ham sé dat cuc dai tai diém x =1.

Vidu3: Chohamsé y=f(x) lién tuc tai X, va co bang bién thién sau:

Ménh dé nao sau day 1a dung?

A. Ham sb c6 hai diém cuc dai, mot diém cuc tiéu.

B. Ham s6 ¢6 mot diém cyc dai, khong co diém cuc tiéu.

C. Ham s6 c¢6 mét diém cuc dai, hai diém cuc tiéu.

D. Ham sé ¢6 mot diém cuc dai, mot diém cuec tiéu.

Vidu4: Chohamsd y= f(x) liéntuctrén R va c6 dd thi nhu hinh bén. Hoi ham sb ¢6 bao nhiéu

diém cuc tri?

A 2.

YA

=Y

B. 3. C. 4. D. 5.

Vidu5: Chohamso y= f(x) xéc dinh, lién tuc trén doan [-2;2] va c6 dd thi 1a duong cong trong

hinh vé& bén. Ham sé f (x) dat cuc dai tai diém nao dudi day?

Trang 15




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

L

1@

A x=-2. B. x=-1. C. x=1. D. x=2.

Vidu 6: Biétring hamsé f(x) co daohamla f'(x)=x(x-1)"(x=2)’(x=3)’. Hoi ham sé f (x) ¢6
bao nhiéu diém cuc tri?

A 4. B. 3. C.2. D. 1.

Vidu7: Chohamso y= f(x) c6 dao ham lién tuc trén R vahamsd y = f'(x) c6 do thi nhu hinh v&
bén. Ménh dé nao sau diy ding?

A.Ham s6 y = f (x) dat cuc dai tai diem x=-1..
B.Ham s y = f (x) dat cyc ticu tai diem x =1.
C.Hamsé y = f (x) dat cuc ticu tai diem x=-2..
D. Ham sb y = f (x) dat cuc dai tai diém x=-2.

2. Bai tap tric nghiém

Caul: Chohamsé y= f(x) xéc dinhvalién tuc trén R\{x }, c6 bang bién thién nhu sau:

X |—me I X 400

¥ a - .

Khing dinh nao sau day 1a dung?
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A. Ham s da cho c6 mot diém cuc tiéu va khong co diém cuc dai.
B. Ham sé d3 cho khong ¢o cuc tri.
C. Ham sd d3 cho c6 mot diém cuc dai va mot diém cuc tiéu.
D. Ham sb da cho c6 mot diém cuc dai va khong c6 diém cuc tiéu.

Cau2: Chohamsé y= f(x) co6 bang bién thién sau:

Ham s6 y =|f (x)| c6 bao nhiéu diém cyc tri?
A. 5. B. 3.. C. 4. D. 2.

Cau3: Chohamsd y=f(x) liéntuctrén R va c6 do thi nhu hinh bén. Hoéi ham sb c6 bao nhiéu

diém cuc tri?

A. 0. B. 1. C.3. D. 2.

Cau4: Hamsd y=f(x) liéntuctrén R va c6 dd thi nhu hinh bén. Hoi ham s6 ¢6 bao nhiéu diém

cuc tri?

A. 3. B. 2. C. 1. D.o.

Cau5: Chohamsé y=f(x) liéntuc trén R va c6 do thi nhu hinh bén. Hoéi ham sb c6 bao nhiéu

diém cuc tri?
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=y

A. 2. B. 3. C. 4. D. 5.
Cau6: Hamsd f(x) codaoham f'(x) trén khoang K. Hinh vé bén 1a d6 thi caa ham s6 f'(x) trén

khoang K. Héi ham sé f (X) c6 bao nhiéu diém cuc tri?

£

AN

A. 0. B. 1. C.2 D. 4.
DANG 3

1. Cac vi du
Vi du 1: Tim m d& ham s y:%x3—mx2+(m2—4)x+3 dat cuc dai tai diém x =3,

Vidu 2. Chohamsé f(x)=x>—3mx*+(m-1)x+2. Tim m dé ham s dat cucc tiéu tai Xx=2.

Vidu 3. Tim m dé ham s f(x) = x*—3x* +mx—1 c6 hai diém cuc tri. Goi X, X, 14 hai diém cuc tri do,
tim m & x2 +x2 =3.

Vidu4. Tim tat ca gia tri cia tham sé m dé ham s y = x* +2(m—2)x* +3m -2 c6 ba diém cyc tri.

2. Bai tap trac nghiém

Cau 1: Tim tat ca cac gia tri cia tham s m dé ham sé y = x> —3mx* +6mx+m c6 hai diém cyc tri.
A. me(0;2). B. me(—0;0)u(8;+x).

C. me(—0;0)U(2;+x). D. me(0;8).
Cau 2: Tim tat ca cac gia tri cia tham s m dé ham sb y :%x3 + X2+ X+ 2017 ¢6 cyc tri.
A. me(—0;1]. B. me(—0;0)u(0;1).
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C. me(-;0)u(0;1]. D. me(—»;1).
Cau 3:  Tim céc gia tri ciia tham s6 m dé ham sé y =(m—3)x> —2mx* +3 khdng c6 cuc tri.
A. m=3. B.m=0, m=3. C. m=0. D. m=3.
Cau4: Chohamsé y :éx3 —%(3m+ 2)x° +(2m2 +3m +1)x—4. Tim gia tri thuc cuatham sé m dé ham
sb c6 hai diém cyctrila x=3 va x=5.
A. m=0. B. m=1. C.m=2. D. m=3.

Cau5: Biétrang hamsé y=ax’+bx* +cx (a=0) nhan x=-1 1a mot diém cuc tri. Ménh dé ndo sau

day la dung?
A. a+c=Db. B. 2a-b=0.
C. 3a+c=2h. D. 3a+2b+c=0.

Cau 6: Biétrang ham s6 y =3x> —mx* +mx—3 c6 mot diém cuc tri x, =—1. Tim diém cyc tri con lai
X, ciia ham sb.

1

1. B. xzzl. C.x,=—=. D. X, =-2m-6.
3 3

A X, = A
Cau7: Choham sd y:%x3—mx2 +(m2 —4)x+5 v6i m 1a tham sé thyc. Tim tat ca cac gié tri caa m
dé ham sé dat cuc tiéu tai diém x=-1.

A m=1.. B. m=-3. C.m=1, m=-3. D. -3<m<1L
DANG 4

1. Cac vi du

Vi du 1. Viét phuong trinh duong thang di qua diém M (=1;1) va vubng goc véi duong thang di qua diém
cuctricia (C):y=x>—6x*+9x-2.

Vidu 2. Choham sé y=x*-3x*-3m(m+2)x-1 (1) (m la tham s? th2c).

1) Tim m dé ham s6 (1) ¢6 hai cyc tri ciing dau.

2) Khi d6 thi ham s6 ¢6 hai diém cuc tri, hdy viét phuong trinh duong thang di qua hai diém cuc tri do.
2. Bai tap trac nghiém

Cau1: Viét phuong trinh duong thang di qua hai diém cyc tri caa do thi ham sé y =-2x> +3x* +1.
A. y=x-1. B. y=x+1. C. y=—x+1. D. y=—x-1
Cau2: Chohamsb y=x®—-3x*—9x+m. Viét phuong trinh duong thang di qua hai diém cyc trj cua
dd thi ham sé.

A. y=-8Xx+m. B. y=-8x+m-3.

C. y=-8x+m+3. D. y=-8x—-m+3.
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Cau 3:  Tim gia tri thuc ciia tham sé m dé duong thiang d 1y =(2m—1)x+3+m vudng goc véi dusng
thang di qua hai diém cuc tri ciia do thi ham s6 y = x* —3x* +1.

A.m:—l. B.m:g. C.m=
2 2

Nlw

1
-

A. DANG 5. BAI TAP DANH CHO HQC SINH PIEM 8+,9+

Cau 1. Choham s6 y = f (x) c6 dao ham lién tuc trén R . Ham s6 y = f'(X) c6 dd thi nhu hinh v&.

Ya

-I\D 3

L

Ham sé g(x)= f(3—x2) dat cuc tiéu tai diém

A. x=0. B. x=2. C. x=12. D. x=-2.

Cau 2. Cho ham so y = f (x) c6 dao ham lién tuc trén R . Ham s y = f'(x) c6 do thi nhu hinh vé&.

Vi

10

S4 cyc tri cia ham sé h(x) = f (x2 —2x) la

A 2 B. 4. C.3. D. 5.

Cau 3. Chohamsé y = f(x) c6 dao ham lién tuc trén R, hamsb y = f'(x—2) c6 d thi nhu hinh

dudi. Sé diém cuc tri ciaham s y = f (x) la

X
5 >
_JX./
Al B. 2. C.0. D. 3.
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Cau 4. Chohamsé y = f (x) liéntuc trén R c6 do thi y = f’(x—2) nhu hinh v&. Sé diém cuc tri ciia
hamsé y=2f(x-3)-4 1a

¥ A
2
1
X
1l Of LN
-1
A. 4 B. 5. C.3 D.2
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GIAI TiCH 12 - CHUONG 1 S
§3. GIA TRI LON NHAT - GIA TRI NHO NHAT

A.PHAN KIEM TRA KIEN THUC
B.PHAN KIEN THU'C CHINH
I. PINH NGHIA
Chohamsé y = f(x) xac dinhtréntap D.
a) S6 M duoc goi la gia tri 16n nhat cia ham s6 y = f (x) tréntap D néu f(x)<M véi moi

x thuoc D vatdntai x,e D saocho f(x,)=M

Kihiéu M =max f (x)
D
b) S6 m duoc goi la gid tri nho nhat ciaham s6 y = f (x) tréntap D néu f(x)>m véi moi X

thuoc D vatontai x, € D saocho f(x,)=m
Ki hiéu m=min f (x)
D
» VD1:Chohamséd y=f (X) lién tuc trén doan [—1; 3] va ¢ d6 thi nhu hinh v& bén. Goi M

va m lan luot 12 gid tri Ion nhét va nhé nhét cia ham sé da cho trén doan [-1;3]. Gia tri

cia M —m bang

s
Jp--------- F
21 If

/ '\\x .'III

o

-1 0 I"'.Iiln'l 3 =
|
C.5 D.0

> VD2: Chohamsé y = f(x) lién tuc trén doan [-2; 6] va c6 d6 thi nhu hinh v& bén dudi
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-2

RN
Goi M va m lan luot 1a gid tri I6n nhat va nho nhat cua ham s6 da cho trén doan [-2; 6]. Gia
tri cia P =M —m bang

A. P=9. B. P=-8. C. P=-9. D. P=8.

I1. CACH TINH GIA TRI LON NHAT - GIA TRI NHO NHAT TREN MOT POAN
1. Pinh ly
Moi ham sé lién tuc trén mot doan déu c6 gia tri 16n nhat va gia tri nho nhét trén doan do.
2. Quy tic tim gia tri l6n nhét, gia tri nhé nhat cia ham sé lién tuc trén mét doan
Buéc 1: Tim cac diém x;X,;...; X, trén khoang (a;b),
tai do f'(x)=0 hodc f'(x) khong xéc dinh.
Budgc 2: Tinh f(a); f(b); f(x); f(%,);-; F(X,)-

Buwdéc 3: Tim s6 16n nhat M va s nhé nhat m trong cac sé trén.

Buéc 4: Két luan M :rp%?(f(x); m:r[n_ibr]1f( ).

2.1. Nhan xet

a) Néu dao ham f'(x) giit nguyén dau trén doan [a;b] thi ham sé dong bién hogc nghich bién
trén ca doan. Do d6, f(X) dat dwgc gid tri 16n nhat va gi tri nho nhit tai cac dau mat cia doan
[a;b].

b) Néu chi c6 mét sb hitu han cac diém X, (X <X,,) ma tai d6 f'(x) bang 0 hoic khong xac

dinh thi ham sé y = f (x) don diéu trén m&i khoang (X;;X.,). RG rang gia tri 16n nhat (gia tri
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nho nhét) cia ham s trén doan [a;b] 1a sb I6n nhat (s6 nhé nhat) trong cac gid tri cua ham sé
tai hai ddu mat a,b va tai cac diém x, noi trén.

¢) Ham sé lién tuc trén mot khoang c6 thé khdng c6 gié tri 16n nhat va gia tri nho nhat trén khoang
do.

3. Vidu
> VD3: Gia tri nho nhat cua ham s6 f (x)=x"—10x"+2 trén doan [-1;2] bang

A 2. B. -23. C. -22. D. 7.

> VD4: Giatri 16n nhat cua ham s f (x)=x°—3x+2 trén doan [-3;3] 1a

A 4. B. -16. C. 20. D. 0.

X 31 trén doan [0; 2]

> VD5: Tim gia tri Ién nhiat M ciia ham s6 y =

Goi M va m lan luot 12 gié tri 16n nhat va nho nhat cua ham sb

y:3x_31 trén doan[0; 2]. Tinh gid tri cuia P =M.m béng

X_

Ap-_2 B p=1 C.P=-5. D.M--1
3 3 3
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> VD6: Tim gia tri I6n nhat cua ham sé y =+/4—x? trén tap xéac dinh.
A. 2. B. 0. C. 4. D. 1.

I11. UNG DUNG GIA TRI LON NHAT, GIA TRI NHO NHAT TREN KHOANG, POAN CHO
TRUOC

1.BAI TOAN. PINH GIA TRI THAM SO PE GTLN-GTNN CUA HAM SO THOA MAN
PIEU KIEN CHO TRUGC

Budéc 1. Tim nghiém x,(i=12,...) cua y'=0 thudc [a;b]

Budc 2. Tinhcac giatri f(x); f(a); f(b) theo tham sb
Bwéc 3. So sanh c4c gi tri, suy ra gid tri I6n nhat, gi tri nho nhat.

Bwéc 4. Bién luan m theo gia thuyét dé dé két luan.

Luuy:
) dong bién trén doan [a;b] thi

Min ()= f (a)

x) nghich bién trén doan [a;b] thi

Max f

[an)

2. Vidu

> VD7:Chohamsé y = % (Vi m la tham sé thyc) thoa mén r[r;ll? y = 3. Ménh dé nao
dudi day dang?

A . m>4, B. 3<m<4, C. m<-1. D.1<m<3.
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> VD8: Chohamsé y = XEM /6i m 14 tham sé thuc) thoa man min y+maxy =
. X+1 (2] (2] 3

Ménh dé nao dudi ddy ding?
A . m>4, B.2<m<4.

> VD9: Cho ham s6 y=2x>-3x*—m (véi m latham sb thyc). Trén [-11] ham sé c6 gia tri
nho nhat 1a —1. Tim tat ca cac gia trj thuc caa tham s m?

A. m=-6. B. m>-3. C.m=-4. D.1<m<3.

> VD10: Mot vat chuyén dong theo quy luat s =—%t3 +6t° véi t (gidy) la khoang thoi gian

tinh tir khi vat bat dau chuyén dong va s (mét) la quéing duong vat di chuyén duoc trong
khoang thoi gian d6. Hoi trong khoang thoi gian 9 gidy ké tir khi bat dau chuyén dong, van
té¢ 16n nhat cua vat dat duoc bang bao nhiéu?

A. 243 (m/s). B. 27 (m/s). C. 144 (m/s). D. 36 (m/s).

C.BAI TAP TU LUYEN
I. TU LUAN
Bai 1: Tinh gié tri 16n nhat, gia tri nho nhat caa ham sé:
a) y=x>-3x’-9x+35 trén cac doan [4;4] va [0;5];

b) y=x*—3x*+2 trén céc doan [0;3] va [2;5];
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c) y= 1_))(( trén cac doan [2;4] va [—3;—2];

d) y=+/5-4x trén doan [—l;l].
Bai 2: Trong s cac hinh chir nhat cling ¢6 chu vi 16 cm, hdy tim hinh chit nhat c6 dién tich I6n nhat.

Bai 3: Trong tat ca cac hinh chixr nhat cung cé dién tich 48 m?, hay xac dinh hinh chir nhat cé chu vi nho
nhat.

Bai 4: Tinh gié tri 1on nhat cua cac ham sb sau:

Q) y=—73;
b) y=4x>-3x*;
c) y=|x;
4
d) y=x+—(x>0).
X
Il. TRAC NGHIEM

Caul. Chohamsé y= f(x) lién tuc trén doan [-1;3] va c6 do thi nhu hinh v& bén. Goi M, m lan

luot 1 gid tri 16n nhat va nho nhat cua ham sb trén doan [-1;3]. Gidtri ciaa M —m la

A 2 B. 4. C.6. D.5.

Cau2. Chohamsé f(x) lién tuc trén [-1,5] va c6 do thi trén doan [~15] nhu hinh v& bén dusi.

Tong gia tri 16n nhat va gia tri nho nhét cua ham s6 f () trén doan [-1;5] bang
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A. -1. B. 4. C. 1. D. 2.

Cau3. Chohamsé y=f(x) lién tuc va c6 dd thi trén doan [~2;4] nhu hinh v& bén. Téng gid tri I6n

nhét va nhé nhat ciia ham s y = f (x) trén doan [-2;4] bing

u

A. 5. B. 3. C.0. D. 2.

Cau4. Chohamsé y=f(x) lién tuc va cé bang bién thién trén doan [—1;3] nhu hinh vé& bén. Khang

dinh nao sau day dung?

x -1 0 2 3
V' + - 0 +

A. max f(x)=f(0). B.maxf(x)="f(3). C.maxf(x)=f(2). D. maxf(x)=f(-1).

[-13] [-13] [-13] [-13]

Cau5. Chohamsbé y=f (X) lién tuc trén [—3; 2] va c6 bang bién thién nhu sau. Goi M, m lan luot Ia

gid tri 16n nhét va gia tri nho nhat caa ham sé y = f (x) trén doan [-1;2]. Tinh M +m.
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Cau 6.

Cau7.

Cau 8.

Céau 9.

Cau 10.

Céau 11.

Cau 12.

Céau 13.

Céau 14.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

3 ~1 0 1 2
3 2
() _2/ \0/' \1

A. 3. B. 2. C. 1. D. 4.

Tim gid tri nho nhat ciia ham s y = x*—3x+4 trén doan [0;2].

A. miny=2. B. miny=0. C. miny=1. D. miny=4.

[O?IZ] [0:2] [0:2] [0:2]
Gia tri nho nhat cua ham s6 y = x* —8x* +18 trén doan [-1;3] bing

A 2. B. 11. C. 27. D. 1.

Tim gié tri nho nhat cua ham sb y = X' {rén doan [0;3].

A. miny=0. B. miny=——. C. miny=-4. D. miny=-1.
o3 7 s ) =77 o3 (K
x—1 .
Cf(x)=—= M =max f (x) m=min f(x) ‘
Cho ham sb x+1 Kihiéu [0:2] , [0:2] .Khi d6 M +m bang:
A._—4. B._—z. C.g. D. 1.
3 3 3

Goi M va m lan luot 1a gid tri 16n nhét va gid tri nho nhat ciia ham sé f (x)=2x—4+6—x
trén [-3;6]. Tong M +m co gia tri la

A. -12. B. -6. C.18. D. 4.

Cho hamsé y = x3‘+2(m2 +1)x+3+m (véi m 1atham sb thuc). Goi S 12 tap hop tat ca cac
gia tri thuc cua tham s6 m dé ham sb co max y—3r[r3_il? y=9.Tdong céc phantacaa S 1a

A. 2. B. -3. C. 1 D. 1.

Biét ring gia tri I6n nhit cia ham s§ y = x+~v4—x>+m 13 3V/2. Giatri cia m 1a

A. m=+2. B.m=22. C.m=g. D.m=-/2.
Goi M ,m lan luot 12 gia tri 16n nhét va gié tri nhé nhat cia ham sé y:% trén doan
SINX +
{o ;%]Khi d6 gia tri cia M2+m? 12
A3 B 1. c. p. &
2 2 4 4

Ong A dur dinh sir dung hét 5 m? kinh dé lam mot bé c& bang kinh c¢é dang hinh hop chir nhat
khong nép, chiéu dai gap doi chiéu rong (cac méi ghép c6 kich thude khong dang ké). Bé ca co
dung tich 16n nhat bang bao nhiéu (két qua lam tron dén hang phan tram)?
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A. 1,01 m®. B. 0,96 m®. C.1,33md. D. 1,51 m®.

Mot chét diém chuyén dong c6 van téc tirc thoi v(t) phu thudc vao thoi gian t theo ham s6
v(t)=—t*+8t>+500 (m/s). Trong khoang thi gian t=0(s) dén t=5(s) chat diém dat van
tdc 1on nhat tai thoi diém nao?

A. t=1. B. t=4. C.t=2. D. t=0.
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GIAI TICH 12 - CHUONG 1
§4. PUONG TIEM CAN

A. PHAN KIEN THU'C CHINH
I. PUONG TIEM CAN NGANG

1. Pinh nghia

» VD MO PAU: Quan sat do thi (C) cuaham so f (x)=1+2 & hinh v& du6i day:
X

3

(=]

X [¢)

Néu nhan xét vé khoang cach tir diem M (x;y)e(C) dén duong thang A:y =2 khi x| >+ va
kiém tra nhan xét trén bang céch tinh gigi han.

> Dinh nghia: Cho ham s§ y=f(x) xdc dinh trén mot khoang v6 han (la khoang dang
(a;+), (—o0;b) hodc (—oo;+00)). Buong thang y =y, duoc goi 1a dudng tiém can ngang (hay

tiém can ngang) ciia do thi ham sé y = f (x) néu it nhat mot trong céc diéu kién sau dugc théa man

lim f(x)=y, hodc lim f(x)=y,

X—>+0

» Chay: Néu lim f(x)=lim f(x)=I thitaviétchungla lim f(x)=1.

X—>+00 X—>—00 X—>to0

» Minh hoa
Khi X = —0 Khi X — +o0
Y Y
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2. Vidu

» VD1: Tim cac duong tiém can ngang caa dd thi ham s y =

Il. PUONG TIEM CAN PUNG
1. Pinh nghia:

Puong thang x = x, duoc goi 1a dudng tiém can ding (hay tiém can dang) cia do thi ham sé

y=f (X) néu it nhat mot trong cac diéu kién sau dugc thoa man

lim f (x)=+0, lim f(x)=+o0

X—>Xg X—>Xg

lim f (x)=-o0, lim f(x)=—0

X—=Xg X=Xy

» Minh hoa:

limf(x) =+ y lim f(x) =+ y
xX—Xxg xX—xg
0 X X
\___/ x() 0 xo
iim X) = —00 . lim f(x) = —
x—»xaf (x) y x—>x0+f (x) y
ﬁ N X / X
0 x(] 0 xo
2. Vidu
\ , \ R ~ , ) X abc L Z 2X—-3
» VD1: Tim cac duong tiém can dung cua d6 thi hamso y = 5 ?
X+
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B. LUYEN TAP
I. Chira bai tadp SGK

Bai 1 trang 30 -SGK: Tim c&c tiém can cua d6 thi ham sé:

X
a) y=——;
)y >
—X+7
b) y= ;
X+1
_2Xx-5
5x—2'

d) y=_L-1.
X

c)y

Bai 2 trang 30 - SGK: Tim céc tiém can dung va ngang cia do thi ham sé:

a) y= 2—X
9—x2"'
2
b) y = X +x+12’
3-2x-5x
x*—3x+2
c)y= X
X+1

I1. Bai tap tric nghiém
Caul. [Mircdd 1] Chohamsd y=f(x)cé lim f(x)=0va lim f(x)=+e0.Ménh dé nao sau day

la dung?

A.Dé thi ham sé y = f (x) c6 mét tiém can ngang Ia truc hoanh.

B. P thi ham s6 y = f (x) khdng c6 tiém can ngang.
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C. Do thi ham s6 y = f (x) c6 mat tiém can dtng la dudng thang y =0,

D. o thi ham s y = f (x) ndm phia trén truc hoanh,

Cau2. [Mikc dd 1] Tiém can ngang cia dd thi hamsé y = il 1a duong thang c6 phuong trinh?
X —_

A. y=5. B. x=0. C. x=1. D. y=0.
A o N X*—x+2 e
Cau3. [Mire dd 2] Do thi ham s6 y = —————— ¢06 bao nhiéu duong tiém can?
—5x° —-2x+3
A 4. B. 3. C. 2. D. 1.

X+ /X
X2 -1

Cau 4. [Mikc dd 2] Tong sb duong tiém can ding va tiém can ngang cua dd thi ham s y =

bang
A. 2. B. 3. C. 4. D. 1.

Cau5.  [Mire 9 3] Khoang cach tir diém A(-5;1) dén duong tiém can ding cua do thi ham so

1-x°
y_

=— la:
X+ 2X

A. 5. B. \/26 . C.o. D. 1.
Cau 6. Cho dd thi mot ham sé c6 hinh vé nhu hinh dudi day.

|

|

A. 3. B. 4. C.0. D. 2.

Héi d6 thi trén cd bao nhiéu duong tiém can?

Caul. [Miecdd1]Chohamsb y=f(x) co lim f (x)=1va lim f (x)=-1. Khang dinh ndo sau
day 14 khang dinh dving?
A. D6 thi ham sé da cho c6 hai tiém can ngang 1a x=1 va x=-1.
B. B thi ham s6 di cho c6 ding mot tiém can ngang.
C. D6 thi ham s da cho khéng co tiém can ngang.
D. P4 thi ham sb da cho c6 hai duong tiém canngang la y =1 va y=-1.

Cau2. [Mirc dd 1] B thihamsé y= ¢6 cac duong tiém can dung va tiém can ngang lan luot

x-1
la

A x=2vay=1. B.x=1vay=-3. C.x=-lvay=2. D.x=1lvay=2.
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Cau 3.

Céau 4.

Céau 5.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mire d6 2] D6 thi ham sé y = w cO tat ca bao nhiéu dudng tiém can dung?

A. 3. B. 1. C. 0. D. 2

[Mite dd 2] Cho ham s y = #ﬂ(l_g Téng sb tiém can dung va tiém can ngang cia do thi
ham sb da cho 1a:
A 2. B. 4. C. 3. D. 1.

[Mire dd 3] C6 bao nhiéu s6 nguyén m dé db thi hamsé y = v 2mx):3:n2 — c6 ba
duong tiém can?
A. 1. B.0. C. 2. D. 7.

Trang 35




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

GIAI TICH 12 - CHUONG 1

‘ ~ §5.KHAO SAT SU BIEN THIEN VA VE PO THI CUA HAM SO
A. PHAN KIEN THUC CHINH

Kiém tra bai cu:

I. SO PO KHAO SAT HAM SO

1. Tap xac dinh
2. Sw bién thién
» Tinh y'.

> Tim céc diém tai @6 y'=0 hodc y' khong xac dinh.

> Tim céc gigi han dic biét va tiém can (néu co).

> Lap bang bién thién.

> Ghi két qua vé khoang don diéu va cuc tri ciia ham sé.

3. Do thi

> Tim toa do giao diém caa db thi voi cac truc toa do.

> Xéc dinh tinh ddi xang cta do thi (néu co).

> Xac dinh tinh tuan hoan (néu c6) caa ham so.

> Dua vao bang bién thién va céc yéu té xac dinh & trén dé va.

Il. KHAO SAT MQT SO HAM PA THUC, HAM PHAN THUC HUU TY
%Dang @: Khio sat va vé dd thj ham sé bac ba y =ax3+bx2 +cx+d(a =0)

1. Vidu

» VD 1: Khao sét su bién thién va vé db thi ham sé y = x> +3x* —4

Loi giai
+ Tap xac dinh: D=R
+Pao ham: y'=3x* +6x
‘0 X=-2
=0
Y x=0
+ Gidi han: Iirp y =—o0; lim y =+
+ BBT
X - =2 0 +o0
vV + 0 -0

+ Khoang don diéu:

W

Ham sb ddng bién trén (—oo;—2), (0;+)

Trang 36




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Ham sé nghich bién trén (-2;0)

+ Cuc tri:

Ham sé dat CD tai x=-2 Véi Y., =0

Ham s6 dat CT taix=0 voi y, =—4

+P4 thi:

Giao vai truc Oy: (0;-4)

Giao vai truc hoanh:

(-2;0);(10)

Y=

» Vi du 2: Khao sat sy bién thién va vé do thi ham sb: y = —x® + 3x* —4x + 2;

Léi gii

+ Tap xac dinh: D=R

+ Dao ham:

y'=-3(x-1)*-1<0,vxeR

+ Gidi han: lim y=+o00; lim y=—-o0
X—>+00

X—>—00

+ BBT

+ Khoang don diéu:

v -

+on \
v
—0

Ham s6 nghich bién trén khoang (—oo; +00)

+ Cyc tri: Ham s6 khdng c6 cuc tri.

+ Do thi:

Giao vai tryc Oy: (0;2)

Giao vai truc hoanh: (1;0)
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

y

3
> Vi du 3: Khao sat sy bién thién va v& dd thi ham sé y = %—xz +x+1

Loi giai
+ Tap xac dinh: D=R
+Paoham: y'=x*-2x+1>0,vx =1
y'=0<=x=1
+ Gigi han: lim y=—o0; lim y=+w
+ BBT:
X - o 1 —+ o
’ + (0] +
—+ o
4 /
Y / 3
+ P thi:

> Vidu 4: Bang bién thién dudi day 1a bang bién thién cua ham sé nao trong cac ham sé duoc
liét ké & bon phuong an A, B, C, D?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

x —an 0 2 +o0
7 (x) - 0 + 0 -
s | T _— T

A y=-x*+3x-1. B.y=x*-3x+1. C.y=x>-3x*-1. D. y=x>+3x+1.

A B. C. D.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

2. Minh hoa do thi ciia ham sé bac 3

a=0 a<0

v’ =0cd 2 nghiem phin biét ty

S A =b"-3ac>0 /\\\I /| \ A
\/ _

v' =0¢6 nghiém kép ty
S A =b?-3ac=0

I I
I >
[u x ﬂi\ X
y' =0 vd nghi€ém ¥4 ¥4
<A =b’-3ac<0
I I

3. Bai tap ciing co:

Caul. Bang bién thién dudi ddy la bang bién thién cia ham s6 no trong cac ham s6 duoc ligt ké &
bon phuong an A, B, C, D?

X —m -2 1 4o
L a - g +
20 4oz ||
v
A.y=-2x"-3x*+12x. B. y=2x>+3x*-12x.
C.y=-2x"-3x"+12.. D. y=2x>-3x*+12.

Cau 2. Trong 4 dd thi duoc cho trong 4 hinh A, B, C, D duéi day, do thi nao 13 dd thi ham s
y=x>+3x*-27?

-~
4y y 2y
Hinh A i Hinh B pan )
X } 4
1 Il 'y E 7

o N 1 O/ 1 »
‘ X 2| 1 0 2 W
3 {/ 2 o / i T : 1 X>
/ /3 Hinh C ’ / q Hinh D
A. Hinh A. B. Hinh B. C. Hinh C. D. Hinh D.
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Cau 3.

Céau 4.

Caub.

Céu 6.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

P thi trong hinh la cia mot ham sb duoc liét ké ¢ bon phuwong an A, B,C va D. Ham sb do 1a
ham sb nao ?

It

VAN
VAR

A. f(x)=-x*-3x*-3. B. f(x)=-x*-3x"+3.

C. f(x)=-x*-3x"+3. D. f(x)=x"-3x*+3.

Cho ham s y = ax® +bx? +cx+d co6 dd thi nhu hinh bén. Khing dinh nao sau diy ding?

A

9
¥

b

A.a<0,b<0,c<0,d>0. B.a>0,b<0,c>0,d>0.
C. a>0,b<0,c<0,d>0. D.a>0,b>0,c<0,d>0.

Chohamsé f(x)=x>+ax’+bx+c dat cuc ticu tai diem x =1, f(1)=-3 vado thi ham sé ct

tryc tung tai diém c6 tung do bang 2. Tinh T =a+b+c
AT=09. B. T=1. C. T=-2. D. T=-4.

Cho ham s y = ax® + bx® + cx+1 ¢6 bang bién thién nhu sau:

x |—® 0 x X +um

o~

Ménh dé nao dudi day dang?

A. b<0,¢c>0. B. b>0,c<0. C. b>0,c>0. D. b<0,c<0.

% Dang ®: Khao sat va vé dé thi ham sé trung phwong y = ax* +bx* +c¢ (a=0).
1. Vidu

» VD 1: Khao sét su bién thién va vé db thi ham sé: y = x* —2x? -3.

Léi giai:

+ Téap xac dinh: D=R

+Pao ham: y'=4x> —4x
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

, x=0
y'=0<
Xx=%1
+ Gidi han tai vo cuc: lim y=+o0; lim y=+w0
X—>—00 X—>+00
+ BBT:
X w0 -1 0 1 +o0
p' 0 + 0 0o+
y

N

+ Ham s6 nghich bién trén (—o0;—1) va (0;1)

Ham s6 dong bién trén (=1;0), (1; +)
+Cuctri: CT(1;,-4) Cb(0;-3)

+ P thi:

4
» VD 2: Khao sét sy bién thién va vé do thi ham sé: y = —X?—x2 +§.

Loi giai:
+ Tap xac dinh: D=R
+Pao ham: y'=-2x>—2x
y'=0<x=0

+ Gidi han tai vo cuc: lim y=—o0

X—>o0

+ BBT:
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

X |-o 0

v’ + 0

Iy

+ Ham s6 nghich bién trén (0;+o0) va dong bién trén khoang (—oo;0)

+ Cuctri: Cb (O;g)

+ P thi:

N
|

r —_— 4 2 1 1
» VD 3: Haimsé Y =X —2X 1 ¢4 dang do thi nao trong cac do thi sau day ?

A B. C. D
> VD 4: Bang bién thién sau la ciia ham s6 nao?
X | —o0 -1 0 1 +ao
v

-0 + o - o =
+o0 -1 +wo
-2 -2
A y=x'-2x*+1. B. y=—x*+2x*-1. C.y=x'-2x*-1. D. y=x*-x"-1.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

2. Minh hoa d6 thj cia ham s6 bac 4 trung phwong

a>0 a<0

Phuong trinh

y'=0
c6 ba nghiém /-\
phan bict \Jo| \ & | o | -

Phuong trinh
Y=o \ | /T
c6 mot 0 X 0 X
nghiém / \

» Ch y: Ham sé trung phuong 13 ham sb chin nén d6 thi nhan tryc tung lam truc ddi xang.

3. Bai tap cang cé

Caul. Do thi hinh bén dudi 1a cua ham sb nao?

\2;17

A y=—x"+3x>+1. B. y=x*'-2x"+1.

|
(3]
E——
|
p—
o
i s docims, e

C.y=—x"+2x>+1. D. y=x"+3x*+1.

Cau 2. Bang bién thién bén dudi 1a cua ham sé nao?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

x —o0 -1 0 1 +a0
¥ - 0 + 0 - 0 +
¥y +o0 -3 +o0
4 \—4
4 2 1 4 2
A y=x"-3x"-3. B. y:—Zx +3x°-3.
C.y=x"-2x*-3 D. y=x"+2x*-3.

Cau3. Hamsb y=—x*-2x*+3 nghich bién trén khoang nao?

A. (—=;0). B. (-1;0). C.R. D. (0;+).
Cau4. Hamsd y=-x*+2x*—1 co bao nhiéu diém cuc tri?

A. 3. B. 1. C.2 D. 0.

Cau5. Chohamsé y=ax"+bx*(a=0) co bang bién thién dudi day. Tinh P=a—2b

v | —oo - 0 1 I
} _ 0 + o - 0 -
\ . /
- H—l
A.P=3 B.P=5. C.P=-2 D.P=2
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

o GIAITICH12- CHUONG1
§5. KHAO SAT SU'BIEN THIEN VA VE PO THI CUA HAM SO (Tiép)

A. PHAN KIEN THUC CHINH

% Dang ©: Khao sat va vé dé thj ham sé y = ax+(l:j) (c#0, ad —bc = 0)
CX +
1. Kiém tra bai cii:
2. VD MO PAU:
» VDL1: Khao sét su bién thién va vé db thi ham sé: y = X_—;
X+
Tap xéc dinh D =R\{-2} Dao ham: y'= ~>0, VxeD.
(x+2)
Tiém can ding X=-2 vi lim x-1 =400, lim x-1 =—0
x>(=2) X+ 2 x>(-2)" X+ 2
L oo x—1
Tiémcanngang y=1vi lim —=1.
Xt X + 2
Bang bién thién
X | —oco -2 —“+o0o
v’ —+ -+
1 - oo
+Pd thi
YA
5
4
3
2
1
=5 4 3 3 1 O 2 X
1
—2
=3

> VD2: Khao sét sy bién thién va vé do thi ham sé: y = X +12
X +
Tap xac dinh Dz]R\{—l} ; Dao ham: y'=_—32<0, vxeD.

(x+1)
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Tiém can dung x=-1 vi lim X+2 =—o0, lim _X+2=+oo
x>(-1)" X+1 x->(-)" X+1
A L. —X+2
Tiémcanngang y=-1vi lim =-1.
xoto X 4+1]
Bang bién thién
fe'e) -1 —“+oo

X
I
|

Do thi

2. Tinh chat va dang d6 thi.

Tap x4c dinh: D = R\{—Q}
C

ad —bc
(cx+d )2
Néu ad —bc >0 ham sé dong bién trén tirng khoang xac dinh. 6 thi nam géc phan tu 2
va 4.
Néu ad —bc < 0ham sb nghich bién trén ting khoang xac dinh. B4 thi nam géc phan tu
1va3.

Do thi ham sb co: TCD: x:—9 va TCN: y:E
c c

bao ham: y =

Giao vai truc Oy tai diém (Ogj

A £ d a
Do thi c6 tam doi xung: | (——;—j
cc

s & ax+b
Dang do thi cuiaham so y =

, (c#0;ab—bc = 0)
cx+d
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Khi ad —bc >0 Khi ad —bc <0

y

B. LUYEN TAP
I. Chira bai tap SGK:

mx -1
2X+m

Bai 6 trang 44 SGK: Cho hams6 y =

a) Chitng minh rang véi moi gid tri ciia tham sé6 m, ham sé ludn dong bién trén mdi khoang xac
dinh cua no.
b) Xéc dinh m dé tiém can dung caa db thi di qua didm A(—1; J2 )

¢) Khao sat su bién thién va v& d6 thi caa ham sé véi m=2

I1. Bai td@p tréic nghiém cing cé:
Caul. Ham so6 nao dudi day co bang bién thién nhu hinh vé ?

. —o0 —1 +00
Y + +
oo 2
Y / /
2 —00
A y=-x'+3x*+1. B. y:XL?). C. xX*+3x* +4. D. y:2X+1.
X+1 X+1

Cau 2. DPuodng cong dudi ddy 1a d6 thi cua ham s6 nao?

LY




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

ax—b nhu hinh vé.

Cau3. Chohamsd y=

=

Khéng dinh nao dudi ddy 1 ding?

A. O<a<b. B.b<0<a. C.0<bxa. D. b<a<0.
Cau4. Chohamsb y= LS thi nhu hinh v&. Ménh dé nao trong cac ménh dé duéi day 1a

CX+

ding?

A.ac>0,ab>0 B. ad <0, bc>0.

C.cd<0, bd >0. D. ad >0, bc<O0.
Caub5. Chohamsb y=f(x) = a“;’ c6 dd thi ham sé f'(x) nhu trong hinh v& duéi day:

CX+

Yy

1 o x

Biét rang do thi ham s6 f(x) di qua diém A(0;4). Khang dinh nao duéi day la ding?
A. f(1)=6. B. f(2)=1—21. C. f(l)=%. D. f(2)=2.

l1. SUTUONG GIAO GIUA CAC PO TH]
1. Ly thuyet:

Chohamsé y= f(x) coddthi (C,) va y=g(x) co dothi (C,).

Trang 49




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

.}:

DEA

X0 1O

Toa d¢ giao diém cua hai d6 thi 1a nghiém cua hé phuong trinh

{y= f(x)
y=9(x)

= f(x)=9(x)

Ta c6 phuong trinh hoanh d¢ giao diém ctia (C,) va (C,) la f(x)=g(x) (1).
S6 nghiém don ciia (1) dung bang sé giao diém cua (C,) va (C,)

2. Phwong phép tim toa d giao diém hoic s6 giao diém cia cia hai dé thi
> Lap phuong trinh hoanh d¢ giao diém cua hai d6 thi: (x)=g(x) (1)

» Giai phuong trinh (1)

» Khi do:

- S6 giao diém cia (C,) va (C,) bang véi s6 nghiém don cia phuong trinh (1).
- Nghiém X, ciia phuong trinh (1) chinh la hoanh d6 x, cua giao diém.

» Chu y: Néu x,1a nghiém kép cua (1) thi x,1a hoanh d¢ tiép diém cua d6 thi ham s6 y = f (X)
va y=g(x).

- Pé tinh tung do Y, Cua giao diém, ta thay hoanh do X, vao y = f (X) hoac y=g¢ ( )

-biem M (X,;Y,) 1a giao diém cua (C,) va (C,).

2. Vidu
> VD1: S giao diém cua d6 thi ham s6 y=x*—x*+1 vadd thi hamsd y=x*—x+1 la

> VD2: CMR d6 thj (C) cua hs y = X—_i lubn cat duong thang (d) y =m—x véi moi m.
X+
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

VD3:
a) V& do thi ham s6 y = x* +3x? -2
b) Str dung db thi bién luan theo tham sé m s nghiém caa phuong trinh x®+3x*—2=m

> VD4: Cho ham s6 f (X) c6 bang bién thién nhu sau:

x —o -2 0] 2 4+
F(x) + 0 - 0 + 0 —
S(x) 3 3
—a -1 —a
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
S6 nghiém thuc cua phuong trinh 2f (x)-3=0 13

A 2. B. 1. C. 4. D. 3.

B. LUYEN T4P
I. Chira bai tap SGK:

Bai 5 trang 44 SGK:
a) Khao sét su bién thién va vé db thi (C) ham s6 : y =—x®+3x+1
b) Dya vao dd thi (C), bién luan vé s6 nghiém cia phuong trinh sau: x> —3x+m=0(1)
I1. Bai tap trac nghiém ciing co:
Caul. Do thi ham sb nao sau ddy cat truc tung tai diém co6 tung d6 am?

4x+1 —2X+3 2Xx-3 3xX+4
= . B. = . C- y= . y
X+2 X+1 x-1 x-1

Ay

Cau2. Chohamsé y= f(x) c6dd thi (C)nhu hinh v&

1¥

Sé nghiém phan biét ciia phuong trinh f ()= % la

A 2. B. 3. C.0. D. 1.
Cau 3. PDPuongthang y=4x—2 va dd thi ham sé y=x®—2x?+3x ¢ tat ca

bao nhiéu giao diém?

A 2. B.O. C. 3. D. 1.
A . 2 , A iR e aX e A K x> —x-1
Céu 4. Duongthang y=2x-1 c6 bao nhiéu diém chung véi do6 thi ham so y :—1.
X+
A 2. B. 1. C.0. D. 3.
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Caub.

Cau 1.

Céu 2.

Cau 3.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Chohamsé y= X;i(c) va duong thang d_:y =—x+m. Duong thang d_ cat

(C) tai hai diém phan biét A, B sao cho do dai AB ngan nhat thi gia tri cia m Ia:

A m=2. B.Khongtontai m. C. m=1. D. m=0.

.BAI TAP TU LUYEN

Bang bién thién sau dy la cua mot trong 4 ham sé duoc liét ké dudi day. Hoi d6 1a ham

s6 Nao?
— o0 0 2 + o0
y' + 0 - +
Cb +
y / \( /
— o0 T
Ay=-x-3x*+2, B.y=x"-3x*+2.
C.y=x>+3x*-2. D.y=-x>+3x"+2.

Bang bién thién sau day 1a ciia mot trong 4 ham sé duoc liét ké dudi day. Hoi d6 1a ham s6
nao?

— o0 1 + o0
’ + 0 +
+ oo
y /
— 00
Ay=-x-3x*-3X. B.y=-x>+3x*-3x.
C.y=x>+3x*-3x. D.y=x*-3x"+3x.

D6 thi ham s6 y = x* —3x+ 2 13 hinh nao trong 4 hinh dudi day?

yA

4

V>

A. Hinh 1. B. Hinh 2.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

yA

V>

C. Hinh 3. D. Hinh 4.
Cau4. DPuong cong trong hinh bén dudi 1a db thi cua mot ham sb trong bén ham sé duoc liét
ké & bén phuong 4n A, B, C, D dudi day. Hoi ham s d6 1a ham sb nao?

YA

Ay=x>-3x+1. B.y=—x>+3x*+1.
C.y=x>—3x*+3x+1. D.y=-x"-3x*-1.
Cau5.  Bang bién thién ¢ hinh bén dudi la bang bién thién ciia mot trong bén ham s6 ¢ céc dap 4n A,
B, C, D. Ham s6 d6 1a ham s6 nao?
— o0 1 + o0
!
_ ” _
2 + o0
y \ \
— o0 2
2x-1 2x-3 x+1 2X-5
A y= . B.y= . C.y= . D.y= .
y x-1 y x-1 y 2x-1 y X+1

Cau 6. Puong cong trong hinh bén 14 do thi cuia mot ham sé trong bdn ham sb duoc liét ké & bén
phuong an A, B, C, D duéi day. Hoi ham s6 d6 1a ham s6 nao?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A.y:2x—1. B.y:2X+1. C.y:2X+1. 1—2x.
X+1 x-1 X+1 x-1

Cau7. Duong cong trong hinh bén la dd thi cia mot ham s6 trong bén ham sé dugc liét ké ¢ bon
phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham so6 nao ?

yA

Ay=x'-3x+1 B.y=x"+2x°. C.y=x"-2x%. D.y=-x*-2x>.

Cau8. Duong cong trong hinh bén 1a dd thi cia mot ham s trong bén ham s6 duoc liét ké & bon
phuong an A, B, C, D duéi day. Hoi ham s6 d6 la ham so6 nao ?

A

1

/1.

0| X

Ay=x"-2x"+1. B.y=x"-2x*+1.
C.y=x"-3x*+1. D.y=—x"-2x*+1.

Cau9. Chohamsé (C):y=x*+2x*-1. Do thi ham s6 (C) 1a do thi ndo trong cac dd thi sau?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

pA

2t 2
A B
X
]'J\
4
| 3
' 2
1
1‘23;? 32 10 1 2 3%
1
C. ] D.

Cau 10. Gia st d6 thi ciaham sé y=x*—2x?—11a (C), khi tinh tién (C) theo Ox qua tréi 1
don vi thi s& dugc dd thi caa mot ham s trong 4 ham sé duoc liét ké & bon phuong an A, B, C,
D duéi day. Hoi ham sb d6 1a ham s6 nao?
Ay=xt—2x2. B.y=(x-1)"-2(x-1)" -1.

C.y=x"-2x*-2. D.y:(x+1)4—2(x+1)2—1.

HOAT PONG 4: VAN DUNG
PHIEU HQC TAP 2

Cau 11. Giastrhamsé y=ax* +bx® +c co do thi 1a hinh bén dudi. Khiang dinh nao sau day 14 khang

dinh dang?

y

4

3

2

3210 1 2 3 &

-1

2 ]
A.a<0,b>0,c=1. B.a>0,b>0,c=1.
C.a>0,b<0,c=1. D.a>0,b>0,c>0.

Cau 12. Cho ham sé bac 3 c6 dang: y = f (x) =ax® +bx® +cx+d.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Ay 1 yA
2 2
0 ! % : %
1 0 1
-2
2
)] I
! y 1 yA
1
9
o %
1
-1 0] 1\ ;
) (V)

Hay ghon dap an dung?
A. Do thi (IV) xay rakhi a>0 va f'(x) =0 c6 nghiém kép.
B. bo thi (1) xay rakhi a=0 va f'(x)=0 c6 hai nghiém phan biét.
C. Do thi (1) xay rakhi a<0 va f’(x)=0 c6 hai nghiém phan biét.
D. D thi (I11) xay rakhi a>0 va f'(x) =0 vd nghiém.
Cau 13. Chohamsé y = x® —6x%+9x c6 dd thi nhu Hinh 1. D6 thi Hinh 2 14 ciia ham s6 nao dudi

day?
1 yA i yA

4 4

/ VQ

JO Lo B i 3 2 4 |O 1 2 3 >

Hinh 1 Hinh 2

A.y:|x|3+6|x|2+9|x|. B.y:|x|3—6x2+9|x|.
C.y=‘x3—6x2+9x‘. D.y=-x*+6x*-9x.

Cau 14. Chohamsé Y =X>+3X?—2 c6 d thi nhu Hinh 1. D4 thi Hinh 2 1a caa ham sé nao dudi
day?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

1 yA 1 yA
2
2
9 -1 o f >
-3 -9 -1 O 1 >
72 o °
Hinh 1 Hinh 2
3 2
A y=—x3-3x>+2. B.y=|X"+3[x"-2.
3
C.y:hx\ +3x2—2‘. D.y:‘x3+3x2—2‘.
. . X+
Céau 15. bothihamso y= % Ia hinh v& nao trong céc hinh vé sau:
I yp 1 yA
A. i R B,
I—/L\ I]- ’X “\. . >
s PN
i '
C. | D.

Cau 16. Do thi caa ham sé y =|x* —2x* —1] 1a d6 thi nao trong cac d6 thi sau

[ A L) k

Q
%
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

r y A r y A

~ >
0 X

Cau 17. Tim tit ca c4c gié tri cua tham sé m dé phuong trinh c6 x° —3x® + 4 +m = 0 nghiém duy nhat
I6n hon 2. Biét rang do thi cia ham s6 y = —x* +3x? —4 1a hinh bén.

E 3
o 1

_4

A. m>0. B. m<-4. C. m<—4. D.m<-4hoacm2>0.
Cau 18. Tat ca gia tri cua tham sé6 m dé phuong trinh x* —2x* —m+3=0 c6 bon nghiém phan biét 1a

A. 2<m<3. B.2<m<3. C. m>2. D. m>2.

Cau 19. Chohamséb y= 2x+1
x+1

c6 dd thi (C) va duong thiang d : y = x+m. Gié tri caa tham sb

mdé d cét (C) tai hai diém phan biét A B sao cho AB=+/10 Ia
A.m=0hoacm=6. B. m=0. C. m=6. D. 0<m<6.
2_
Cau20. Cho db thi (C):y:X—X1+1

va duong thang d : y =m. T4t ca cac gia trj tham s6 m

dé (C) cét d tai hai diém phan biét A, B saocho AB=+/2 Ia
A. m=1++/6. B. mzl—\@hoac m=1++/6.

C. m=1-+6. D. m<1 hodic m>3,
PHIEU HQC TAP ‘ ’
Caul. PHIEU HOQC TAP 3 DBuong cong hinh dudi 1a d6 thi ciia ham s6 nao dudi day?

AV
1
o —M
-1 / X
I
A y=x3-3x*+2. B.y=X—+l. C.y=x*-2x*-1. D_y=X__1,
x-1 X+1
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Chohamsé y=f (X) ¢6 dd thi nhu dudng cong hinh dudi. Phuong trinh f (X) =1 c6 bao

Céu 2.
nhiéu nghiém ?
| {abr | |
ll |
|' "r |
lll‘ '2 1 ‘f’
/1] "‘\.
X
00 I >
A 2. B. 4. C. 1. D. 3.
Cau 3. Ham so nao sau day co6 bang bién thién nhu hinh vé
z |~ 2 +00
y' - -
2 +o0
) \:oo \ ,
2X-5 2x-1 2X-3 X+3
A y= . B.y= : C.y= : D.y=——-.
y X—2 y X—2 y X+2 Y X—2
Cau 4. Biétrang duong thing y=-2x—1 cat dd thi hamsé y = X—_i tai hai diém phan
X+
biét; hoanh d6 cac giao diém la
A. -1va3. B. -1vao. C. -2va3i. D. -2 vaO.
Cau’5. Sb giao diém cua do thi ham s y = x* —x+4 véi duong thang y =4 1a
A 0. B. 2. C. 3. D. 1.
Cau 6. Cho dd thi hamso y = f (x)nhu hinh v&. Tim tat c4 c4c gi tri thuc m dé phuong
trinh f (x)+1=m c6 ba nghiém phan biét.
y I|I
/N
[\ .f
[ 1 [
[ /
[ /
[ \ /
[ \ /
| N \./ >
|I -1 1 X
|
A. 0<m<5. B. -1<m<4. C.0<m<4. D.1<m<5,
Cau7. Chohamsé y=2 ‘1b ¢6 d6 thi nhu hinh v& bén dudi. Ménh dé nao dudi day
X —

dang?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. b<0O<a. B. a<b<0. C.a<0; b<0. D. O<b<a.
Cau8. Puong cong & hinh bén 1a d6 thi ham sé y = 2X+t2> V6i a, b, ¢ 1acac sb thyc.
X +
Ménh dé nao sau day dang?
A.(C); b=-2; c=1. B.a=1;b=2;c=1.
C.a=1;b=1;c=-1. D.a=2;b=2; c=-1.

Cau 9. Tatcacacgiatri cia m dé duong thang y =4m céat do thi ham sé (C)
y =x"—8x*+3 tai 4 phan biét Ia.
A. —§<m<§. B. —QSmSE. C. -13<m<3. D. -13<m<3.
4 4 4 4

Cau 10. Chohamsé y = f(x) c6 dd thi nhu hinh v& sau:

|
|
|
|
|
|
|
|
|
|
H

Sé nghiém cita phuong trinh 2.|f (x-1)|-3=0 Ia:
A. 3. B. 2. C. 1. D. 4.
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Hay hoc cho chinh ban than minh vi dy 1a nim hoc quyét dinh cho tuong lai
GIAI TICH 12 - CHUONG1
BAI TAP SGK - BAI 5: KHAO SAT HAM SO
A.LY THUYET
B. LUYEN TAP
. Chira bai tap SGK
Bai 1 trang 43 SGK: Khao sét su bién thién va vé db thi ham sé ham bac 3 sau.
a.y=2+3x—-x3
Bai 2/SGK/T43: Khao st su bién thién va v& do thi ham s ham bac 4 sau.

a. y=—x*+8x*-1. b.y:%X"erz—g C.y=x'-2x*+2 d. y=-2x>-x*+3.

Bai 3 trang 43 SGK: Khao sét sy bién thién va vé d6 thi ham sé ham phan thuc:

a y_x+3 b y_1—2x c y_—x+2
' x-1 2X—4 ' 2x+1

Bai 4 trang 44 SGK
by X 1 4 1 2
Chohamso y==x"+=x"+m.
4 2
a) V6i gia tri nao cia tham s6 m, d thi ciia ham s di qua diém(-1;1)?

b) Khéo sat su bién thién va v d6 thi (C)cua ham s6 khi m=1.
¢) Viét phuong trinh tiép tuyén cua (C) tai diém c6 tung d6 bang %

Bai 5 trang 44 SGK:

a. Khao sat su bién thién va vé d6 thi ham (C) caahamsé y =—x® +3x+1

b. Dya vao d6 thi ham s6 (C)bién luan sé nghiém phuong trinh sau theo tham sé m
x*—=3x+m=0

mx -1

Bai 6 trang 44 SGK: Cho hamsé y =
2X+m

a. Chirng minh rang véi moi gia tri caa tham sé m ham sé dong bién trén mdi khoang xac dinh cua
no.

b. X4c dinh m dé tiém can ding cia db thi di qua A(-1;~/2)

c. Khao sét su bién thién va v& d thi ham sé khi m =2

Bai 8 trang 44 SGK:

Choham s6 y =x°+(m+3)x’+1-m (m latham s6) c6 do thi la (C,,).
a) Xac dinh m dé ham sé co6 diém cuc dai 1a x=-1.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

b) Xéc dinh m dé d6 thi (Cm) cét truc hoanh tai x =-2.
1. BAI TAP TU LUYEN (phan nay khong lam PPT)

Caul. Duong cong & hinh bén 1a d6 thi cia mot trong bdn ham sb dudi day. Ham sé d6 1a ham sb
nao?

BAR

[\
I—lO AT

A y=-x*+3x*+1. B. y=x>-3x-1. C. y=x®-3x+1. D. y=—x*-3x*-1.

Cau2. Puong cong trong hinh bén 1a dd thi cua ham sé nao trong cac ham sé dudi day?

K] 0 1 2 3\

A. y:%x3—x2+l. B.y=x*-3x*+1. C.y=-x*+3x*+1. D. y=—x*-3x"+1.

2 — —
Cau3. Puongthang y=2x-1 ¢ bao nhiéu diém chung voi db thi hamsé y = X—Xll
X+
A. 3. B. 1. C.0. D. 2.
A o ax—-b .. . ;
Cau4. Chohamso y= 1 ¢6 d6 thi nhu hinh dudi.
X_
y
1 2 X
0 SN—
\_1
-2
Khang dinh nao dudi day 1a dung?
A. b<0O<a. B.O0O<b<a. C. b<ax<0. D. O<a<b.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
Cau5. Do thihamso y=x*-3x*+2ax+b c6 diém cuc ticu A(2;—2). Khidé a+b bing

A 4. B. 2. C. 4. D. -2.

caus. chohamsé Y= T (%) co db thi nhu hinh v&. S8 nghiém thuc cia phuong trinh 3f (x)—4 =0

la
A. 1. B. 3. D. 2
Cau 7. Do thi ham sb sau day 1a d6 thi caa ham sé nao?
NN
O T
_ 4 2
A y=—x*+2x*+1. B.y=-x"+2x%. c. y=x-2x, D. y=x"-2x*+1.

Cau8. Chohamsé y= f(x) c6 dd thi nhu hinh v&. Phuong trinh f (x)—1=0 c6 miy nghi¢m?

A 2. B. 3. C. 1. D. 4.

Cau 9. Tim tat ca cac gia trj thuc cia tham s6 m dé duong thang y =m cat d6 thi ham sb
y=x*—2x*+2 4 diém phan biét

A 2<m<3. B.1<m<?2. C. m<2. D.m>2.

Cau 10. Chohamsé y =ax*+bx?+c c6 dd thi nhu hinh v& bén. Ménh d& nao sau ddy 1a ding?

)

VRV,
A.a>0,b<0,¢c<0. B.a>0 b<0,¢>0. C.a<0,b>0,¢c>0. D.a>0,b>0, c>0.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
GIAI TICH 12 - CHUONG1
BAI 5 - KHAO SAT HAM SO & UNG DUNG - TUONG GIAO
A.LY THUYET
I. GIAO PIEM CUA HAI PO THI

Cho hai hamsé y = f (x) (C,) va y=g(x) (C,)

Dé tim hoanh do giao diém cua (C,) va (C,) tagiai phuong trinh f (x)=g(x) (1)

Gia st phuong trinh (1) c6 cc nghiém I X,; X,;...

Khi 46, céc giao diém 1a Mg (%,; (%,))iM, (% f(x,));...

» NHAN XET

Phuong trinh (1) dugc goi 1a phuong trinh hoanh o giao diém ciia hai d6 thi (C,) va (C,).

S6 nghiém ciia phuong trinh (1) bang s6 giao diém cua (C,) va (C,).

> VD 1: Tim hoanh d9 giao diém cua hai d6 thi ham s6
a) y=x"-3x*+5 (C,) va y=-2x>+2x*-3 (C,).

2x—-4
x-1

b) y= (C,)va y=-x"+2x+4 (C,).
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
1. BIEN LUAN SO NGHIEM CUA PHUONG TRINH BANG PO THI
Xét phuong trinh F(x,m)=0 (1).
> Bién déi (1) védang f(x)=g(m) (2).
> Khi d6 (2) 1a phuong trinh hoanh d¢ giao diém cua 2 dd thi (C): y
y=g(m).

Trong d6: y = f (X) thudng 1a ham da duoc khdo sat va vé do thi, (d) la dudng thang cung

phuong vai truc hoanh.
> Duya vao dd thi (C), tir s6 giao diém ciia (C) va (d)ta suy ra sé nghiém ciia phuong trinh (2)

ciing chinh 1a s6 nghiém cua phuong trinh (1).

» VD2:
a) Khao sat su bién thién va vé d6 thi ham s6 y = x*+3x* -2,

b) Tim m dé phuong trinh x*+3x*—=2=m ¢
i. 1 nghiém.

ii. 2nghiém.

iii. 3 nghiém.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

B. BAl TAP TRAC NGHIEM

Céau 1.

Céu 2.

Cau 3.

Céau 4.

Caub.

Cau 6.

Cau 7.

Goi M va N 1a giao diém caa duong thang y = x+1 va duong cong y = x> —3x+1. Khi d6
hoanh d6 caa diém | 1a trung diém doan thang MN bang

A.§. B. 2. C.

2

D. 35.

N | w

Goi X, X,, X, la hoanh dd4c giao diém ciia d6 thi ham s6 f (x)=x°+3x* —3x -2 va duong
thang y=x+10. Tinh T = f(x)+ f (%) + f(X,).

A. 27. B. 19. C. 8. D. 35.

Chohams6 y = f (x) lién tuc trén R va c6 bang bién thién nhu hinh v& bén. Tim sé nghiém

cua phuong trinh ‘ f (x)‘ =1.

r | —o0 0 2 +0c
f'(x) + 0 - 6 o+
P 1 - ) +00
flx) H,x”f H“‘xu , K,f’f
—00 —4
A. 4. B. 6. C. 5. D. 0.

Cho ham s f (x)=x°-3x. Phuong trinh f ( f(x))=2 c6 bao nhiéu nghiém thyc phéan biét?
A. 5. B. 2. C. 4. D. 6.

Puong thang y =m khdng cét d6 thi ham sé y =-2x* +4x*+2 khi va chi khi

A. 0<m<4. B. m>4. C. m<2. D.2<m<4.

Tap hop cac tham sé thuc m dé d6 thi ham sé y = X° +(m—4)x+2mcét truc hoanh tai ba diém
phan biét 12

A. (—ooi1]\{-8}. B. (—o0;1]. C. (-0). D. (—o0;1) \{-8}.

Do thi hams6 (C):y = 2x—13 cit duong thang (d):y =—x+4 tai hai diém phan biét A,B.
X+

Dién tich tam giac OAB véi O la gbc toa do bang

A. 8V2. B. 4+/29. C. 2429. D.g.

C.BAI TAP TU LUYEN

Cau 1.

Cho ham sb bac ba y = f(x) c6 d6 thi 1a dudng cong trong hinh bén. S nghiém thuc cua
phuong trinh f(x)=-1 la
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Céu 2.

Cau 3.

Céau 4.

Caub.

Cau 6.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

;
' ¥ =Aix)
2 x
A. 3. B. 1. C.0. D. 2.
Cho ham sé y = f (x) c6 d thi nhu hinh v& bén.
S6 nghiém cua phuong trinh f (x)+1=0Ia
A 1. B. 2. C. 3. D. 4.

et
—

3]

Cho ham s y = f(x) xéc dinh, lién tyc trén R va c6 bang bién thién nhu sau:

I —C 1 3 +oc

y-' -+ 0 - -+

N

S6 nghiém cta phuong trinh (X)—lz 0 la

A. 0. B. 1. C. 2. D. 3.
Cho ham s6 y = x"+4x* ¢6 o thi (C). Tim s giao diém cua d6 thi (C) va truc hoanh,
A. 0. B. 3. C. 1. D. 2.

Biét rang duong thang y = —2x+2 cit do thi ham s6 y = x> + x+ 2 tai diém duy nhat c6 toa d6
(X ¥o)- Tim y,.

A. Y, =0. B.y,=4. C.y,=2. D. y,=-1.

S6 giao diém cua db thi ham s y = 2X+1 i duong thang y =2x+3 1

A 2. B. 3. C.1. D. 0.
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Céau 7.

Céu 8.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Cho ham s6 y = f (X) ¢6 d thi nhu hinh v&.

Phuong trinh m= f (x)+1 véi m<2 c6 bao nhiéu nghiém?

A. VO nghi¢m. B. 3. C. 4. D. 2.
Tim tat ca cc gid tri ciia tham s6 m dé phuong trinh f (X)=m c6 ba nghiém phan biét.
A m<-2. B. 2<m<4. C.-2<m<4. D.m>4.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

GIAI TICH 12 - CHUONG 2

§1. LOY THUA
A. PHAN KIEN THUC CHINH
I. KHAINIEM LUY THUA

1. Lity thira véi 56 mii nguyén

Véi n 1a mot s6 nguyén duong:

a"=aa..a;

(a=0)

Chly: 0° va 0" khong c6 nghia

> VD 1: Tinh gia tri biéu thirc

1 -10 1 -9
A= (éj 277 +(0,2)*.25 +128‘1.(§)

> VD 2: R{t gon biéu thirc sau

a2 22| a®

(1+a? )_1 a’ [1-a”

B= (a=0;a=+1)

2. Phwong trinh X" =b
> Vi du mé dau:

Hoc sinh lam viéc theo nhém, viét 16i giai vao bang phu. Gido vién quan sat hoc sinh lam viéc,
nhac nho hoc sinh khong tich cuc, giai dap néu cadc em cé thac mac.

NOI DUNG GOl'Y

Nhém amsb y =x° i
Chohamso y =x°. nghiém cta phuong trinh

1+3: chinh 1a sé giao diém cua hai
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

a) V& db thi cua ham so.

b) Bién luan theo b sé nghiém cua
phuong trinh x* =b

o) Timxdée X*=Lx*=2x*=1x*=2

d6 thi cua hai ham s y = x™
vay =b.

» Nhan xét

- Néu n 1¢ thi phwong trinh c¢6 nghiém duy nhat véi moi b .

- Néu n chén thi:

+ b <0: phuong trinh v6 nghiém

+ b =0: phuong trinh c6 nghiém x=0

+ b >0: phuong trinh c6 hai nghiém déi nhau

3.Can bacn

Xét phuong trinh a" =b v&i n nguyén duong

+ Cho a tinh b. Chang han n=4,a=2 tinh b?

+ Nguoc lai cho b tinh a. Chang han n=4,b =16, tinh a?

a) Khai niém:

Cho s thuc b va s nguyén duong n;(n>2). S6 a dugc goi la can bac n ciia b néu a" =

Phwong trinh x" =b

Can bac n

Xx=0

n lé Véi moi 6 thuc b, phuong trinh ¢o C6 duy nhat mot can bac n cua b, ki
beR nghiém duy nhat. hieu 1a Yb

n chan Véi b <0, phuong trinh vo nghiém Khoéng ton tai cin bac n cua b

beR Véi b =0, phuong trinh c6 mot nghiém | C6 mot can bac n cua b 1a s 0

phuong trinh ¢6 2 nghiém d6i nhau.

C6 hai can trai dau, ki hiéu gia tri
duong 1a Vb , con gia tri am 1a b .
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

b) Tinh chat:

a, khinlé
|a|, khinchdn

» VD 3: Tinh

a) 43/-8=332=-2
)33 ={[(v3) =3

» VD 4: Tim nghiém ctia cac phuong trinh sau:
a) x**° =-2020

b) x**° =0

c) x**® =2021

d) x**® =-2021

4. Liiy thira véi s6 mii hiru ti

Khai niém: Cho so thuc a>0 vaso hiruti r=—, trong d6 meZ,ne N,n>2. Khi 6
n

arza%:Q/aT‘.

1

Nhan xét: a" =%a (PK: a>0;neZ;n=?2)

» VD 5: Tinh
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

1
b6
g8) \s 2
3 1 1
42 =443 -z
“J& 8

> VD 6: Rt gon biéu thire

5 5
X4y +x.y*
1 1
X4 +y*

C= (Pk: x>0,y>0)

5. Liiy thira véi s6 mii v ti

Khéi niém: Cho sé thuc a>0, o 1a mot s vo ti va (r, ) la mot dy s6 hitu ti sao cho limr, =«

nN—-+o0

Khi d6: a* = lim a".

Nhan xét: 1 =1 vdi moi o
I1. TINH CHAT CUA LUY THUA VOI SO MU THUC
> Tinh chat 1:

Cho hai s6 thyc duong a,b va cac sé a, 8 € R . Khi do:

1/a“.a? =a**”

3/(a%)’ =a™ =(a’)”
4/ (ab)* = a“ b®

5,(3] _a®
b b“

> VD 7: Rt gon biéu thirc

Tt g2 (rﬁlﬁ_l)ﬁ+1
a) E:W (a>0) b) F = T i (a>0)
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» Tinh chat 2:

a, B 1asé thuc

So sénh cing sé mii « :

Khi >0 thi: 0<a<b < a“ <b”.

Khi o <0 thi: 0<a<b < a“* >b“.

So sénh cung co so a.

Khi 0< a <1thi: a”*>a’ ©a<p.

Khi a>1 thi:a”>a’ a>4.

> VD 8: Sosanh :a) 52° va 5%

B. LUYEN TAP
I. Chira bai tap SGK
Bai 1 trang 55 SGK : Tinh

2 2

2 2 2 2 52
a) 95.27° =(9.27)s =(3°3°)° =375 =9.

s 3 3
4

3
b) 1444 :94 =(144:9)4 = (16)* =2° =8,

-0,75
c) (%j +0, 2572 - 2(_4){7) + 2(_2){_5) =2°+2°=40
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. 2 (-3
d) (0,04) * —(0,125) 3 =52 _2 5 5°-22=121
Bai 2 trang 55 SGK: Viét cac biéu thic sau dudi dang liy thira voi s6 mii hitu ty

1 115
a) a*Ja=a%a?=a°

11 111
b) b*b2¢b =h>2'¢ =b
4 41
C) a’:3a=a*3=a

Bai 4 trang 56 SGK: Rt gon cac biéu thic sau

ar 1 2
a’la’+a’ s 2
a’a®(a’+1)

/3 1y 13 =a
a‘|la*+a * a4a4(1+a‘1)

a) Taco

b) Ta cé —~ = =

S

Bai 5 trang 56 SGK: Ching minh rang

1 12 (PP
TacéO<§<1:(§j <(§j < 245 >3y2 < /20 > /18 (ludn ding).

Taco 7>1: 7% > 7% 643 >36 < /108 > /54 (ludn dung).
I1. Bai tap trac nghiém
1 -10
Caul. [Muc do 1] Giatri biéu thuc P =(§j 277 bang
A. P=30. B. P=10. C. P=3, D. P=9.
. ., 2020 2021 N
Cau2.  [Muc do 2] Biét P = (5— 2./6 ) (5+ 2./6 ) . Ménh d& nao sau day dang?

A. P(9;10). B. Pe(0;1). C. Pe(7;8). D. Pe(3;4).
1 J3-1
Cau 3. [Muc d6 2] Rat gon biéu thirc: P = aﬁ*z.(gj véi a>0.

A P=2’ B. P=a®" C. P=a?P" D.P=a
Cau4.  [Mic d6 1] Cho phuong trinh x*" =3véi n 1a s6 nguyén duong. Ménh dé nao sau day SAL.

A. Phuong trinh ¢6 hai nghiém ddi nhau. B. Phuong trinh c6 duy nhat mot nghiém.

C. Phuong trinh c6 mét nghiém duong 1a 2/3. D. Phuong trinh ¢6 mot nghiém am 1a —%/3 .
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Cau5. [Mucdé 1] Bidu thuc {x3/x véi x>0 dugc viét dusi dang lity thira véi s6 mil hitu ty 12

1 3 1 7

A. X2, B. x*. C. x3. D. x12,
4 4
~ , n ., £ , .2 , asb+ab?
Cau 6. [Mtc @6 2] Cho a,b la cac so thuc duong, rat gon bicu thic P = ————— ta duoc
Ya+3o
A. P=ab. B. P=a+b. C. P=a’h+ab*. D. P=a’h+ab’.
Cau7. [Muc d6 2] Ménh dé nao sau day la ding?
A. (Jﬂ—ﬁ)6>(\/ﬁ—ﬁ)7. B. (4—\5)3<(4—ﬁ)4.
3 4 4 5
C. (2—&) <(2—ﬁ) . D. (ﬁ—ﬁ) <(\@—ﬁ) .
Cau8. [Muc do 1] So sanh hai s6 m, n néu [?} >{§j .
A. m<n. B. m=n. C. m>n. D. m=-n.
Cau 9. [Muc do 3] Biét 2* + 27 =5. Gia tri ctia biéu thuc A=4"+47+3 bang
A. 26. B. 25. C. 5. D. /26.

Cau10. [Mic o 3] Cho bidu thic E =(a+1)"+(b+1)". Véi a=(2+3) , b=(2-+3)  thi gia
tri cua biéu thuc E la
A. 3+4/3. B. 2. C. 3-4/3. D. 1.
C.BAI TAP TU LUYEN
PHIEU HQC TAP

. . 125+

Caul. Tinh giatri cua biéu thic A:W.

A. 288. B.g. C.E. D. 18.

9 9
25"

Cau 2. Cho a>0, rut gon bléu thuc P = W

A. P=1. B. P=a. C.Pzi. D. P=a’%.

a

Cau3. Cho a lasé thuc duong, viét bidu thic P =a.d/a?+/a dudi dang luy thira véi sé mil hitu ty.

5 5 11

A. P=a3. B. P=as. C.P=a®. D. P=a?.
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Cau 4.

Caub.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Céau 10.

Céau 11.

Céau 12.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

t53)

duogc két qua la
3 [a12.b6

Cho a, b la cac sb duong. Rt gon biéu thic P =

A. P=ab?. B. P=a’b. C. P=ab. D. P=a’h’.
1 1

Cho a, b 1a cac sb thuc duong. Gié tri ciia bidu thuc E=M—% la
Ya+ib

A E=-2. B. E=-1. C. E=1. D. E=0.

38 4
a‘laz-2as

Cho s6 thyc duong a>0 va a =1. Rt gon biéu thuc C = — — ta duoc
a4(a—a6]
7 3
A.C=a. B.C=a’. C.C=az2. D. C=az2.
, a+2
Néu (2J§—1) <23-1thi
A a<-1. B. a<l. C.a>-1. D.a>-1.
, Ly , 3
K&t luan nao sau déy ding vé so thuc a neu (2-a)e >(2—a)2.
A l<a<?2. B. a<l. C. a>1 D. O0<ax<l.
at+(b+c)” 2402 —g? .
Ratgon P = +(b )1-[1+b e -4 j-(a+b+c) * ta duoc
a’—(b+c) 2bc

A.P=i. B.P=i. C.P=i. D.P=i.

2ab ac 2ac 2bc
Cho 9" +97 =23. Tinh gia tri cua biéu thic P:% ta duoc
A -2, B. § C. l. D. —§.

2 2 2
, i 4a b
Tim tat ca cac so thuc m sao cho +— =1 v6i moi a+b=1.
42+m 4°+m

A. m==+2, B. m=4. C.m=2. D. m=8.

Chohamso f(x)= 2X2 5 Tong f(0)+ f [%j++ f (%J+ i (%j bang
+

A2 B. 10, cl p. 2.
6 2

3
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GIAI TiCH 12 - CHUONG 2
§2. HAM SO LUY THUA
A. PHAN KIEN THU'C CHINH
I. KHAINIEM

1. Pinh nghia

> PN: Him s6 y = x* v6i a € R duoc goi 12 ham sé luy thira.

> Chuy:
Tap xac dinh cia ham s6 y = x% tuy thugc vao gia tri cua a.;

e Néu « 12 s6 nguyén duong: D=R.

e Néu o nguyén am hoic o bang 0: D =R \{0}.

e Néu a khong nguyén: D = (0;+o).

2. Vidu
> VD1: Tim tap xac dinh cua ham sé: y = (6x2 - x—5)3
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Il. PAO HAM CUA HAM SO LUY THUA
1. Pinh ly

4 - 7 by 7= - by a ! oa—
» DPL: Ham so liy thira y = x“ véi @ € R ¢ dao ham véi moi x>0 va (x ) =ax“*.

> Pao ham: Céng thire tinh dao ham ham hop: (u”‘ )' =au*tu’.

2. Vidu
» VD1: Tinh dao ham cua cac ham sé:

a) y=x". b) y=x"".

I11. KHAO SAT HAM SO LUY THUA y =x“ .
1. Khao s&t ham s6 liiy thira y = x“.

+TXD : D=(0;+).
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+Daoham: y' =a.x*".
+ Sy bién thién :
badng bién trén D néu « >0, nghich bién trén D néu a <0

+ P4 thi : Luén di qua diém (1;1).

0= o=l
I
1 o=10
i o= 0 B
ol 1 >

2. Bang tom tat cac tinh chat cia ham sé liiy thira

y=x% a>0 y=x% a<0

A. Tap khao sat: (0;+o). A. Tap khao sat: (0;+).

B. Sw bién thién: B. Sw bién thién:
ey =ax“* >0, Vx>0. c Y =ax®* <0, Vx>0.
+ Gidi han dac biét: « Gidi han dac biét:

limx* =0, lim X* =4oco0. lim x* =400, lim x* =0.

x—0" X—>+00 x—0" X—>+00
Tiém can: Khong co Tiém can:
Truc Ox la tiém can ngang.

Truc Oy latiém can dang.

C. Bang bién thién: C. Bang bién thién:

/

AU

D. Po thi:
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Do thi cua ham sb lity thira y=x* luén di qua diém
1 (L).

Luwu y: Khi khao sat ham sé liy thira véi s6 mii cu thé, ta

phai xét ham sé d6 trén toan bo tap xac dinh cua né. Chang
han: y=x°, y=x7, y=x".

B. LUYEN TAP
I. Chira bai tdp SGK
Bai 1 trang 61 - SGK: Tim tap xac dinh caa cac ham sé:

-1 & -2 V7

a) y=(1-x)3 ; b) y=(2-x*); o) y=(x-1)"; d)y=(¥-x-2)

Bai 2 trang 62 - SGK: Tinh dao ham cua cac ham sé:

1 1

a) y=(2x2—x+1)5; b) y=(4—x2—x)5; c)y:(3x+1)%; d)
y= (5—x)ﬁ.
Bai 4 trang 62 — SGK: So sanh céc s sau voi s6 1
a) (4,2)"". b)(0,2)™°. 0) (0,7)**. d) (\@)0’4.
Bai 5 trang 62 - SGK: Hay so sanh céc cap so sau:
2,3 2,3
a) (31)"" va (4,3)"%; b) (Qj va (Ej c) (0,3)"° va (0,2)™.
11 11
I1. Bai tap trac nghiém
PE BAI
Caul: [Mikc dd 1] Tap xac dinh cuaham sé y=x7 la
A R. B. R\{0}. C. (0;+00). D. (0;1) u(L;+00).
Cau2: [Mirc dd 1] Pao ham ciahamsé y=x"° la
Ay =x°. B. y'=-5x". C.y =-5x°. D. y' =-5x°.

2

Cau3:  [Mire dd 1] Tap x4c dinh ciaham s y =(x-1)3 Ia
A. (L+). B. (0;+x). C. R\{0}. D. R.
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Cau 4:

Céau 5:

Céau 6:

Cau 7:

Cau 8:

Céau 9:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mire @9 2] Hinh v& bén 1 d6 thi cachamsd y=x*, y=x", y=x° trén mién (0;+o).

Chon khing dinh dang trong cac khing dinh sau day:
A.a>c>b. B. x+y:2(\/x—3+1/y 3).

C.b>c>a. D.c>b>a.

4
[Mire d§ 2] Dao ham cua ham s y =(1-x)3 la

1 4 1 7 1

A. y’:g(l—x)S. B. y’:—g(l—x)é. C. y':g(l—x)S. D. y'=(1-x)3.

1
[Mtre d9 2] Dao ham caa ham s6 y =(x* —2x ) 1a

A. y’:l(x—l)“(xz—Zx)s. B.y' = !
2 4)(x* - 2x)
, 1 , -1
cy-—— L py-—— 2L
24(x2—2x) 24(x2—2x)
x-1 V2
[Mire d9 2] Tap xac dinh cua ham sé y:( j la
3X+2
A. Y =(L+0). B. y’=R\{—§; } C. y’=(— ;—%ju(1;+oo). D.
2
"= -1,
! ( 3 j
[Mire @9 2] Cho ham s6 y =x". Tinh y"(1).
A y'(1)=In*z. B. y"(1)=7zInzx. C. y"(1)=0. D. y'(1)=n(z-1).

[Mire d§ 3] Cho cac ham s lily thira y =x“, y=x", y=x" trén (0;+) c6 do thi nhu hinh

VE.
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YA Y= {L’H

Ménh dé nao sau day dang?
A y<p<a<0. B.O<y<pf<a<l. Cl<y<pf<a. D.O<a<p<y<l.

. V2
Cau 10: [Mirc @9 3] Tap xac dinh clia ham s6 y = (ZX-\/X+3) la:

A. [3+0). B. (_3;1} C. (L+0). D. [—oo;—%]u(l; +o0)

C. TOM TAT BAI HQC

TAP XAC PINH PAO HAM
eacNvaa#0:D=R.
e ac/Z va a<0hoic aa=0:
D=R\{0}.
eaeZ : D=(0;,4x).

D. BAlI TAP TU LUYEN

PE BAI
Caul: [Mikcdd 1] Tap xac dinh ciahamsé y =(2x—x*)" Ia
A. (-0;0)U(2;+%). B.(0;2). C.[0;2]. D.R.

3
Cau?2: [Mirc @9 1] Pao ham caahamsé y = (x2 + x+1)2 la

1 1

3 = 1
A =(x? 1)2. B. 3(2x+1)(x? 1)2.
2(x +x+1) (2x+1)(x* +x+1)
3 L 3 :
C. S (2x). D. E(2x+1)(x2+x+1)2.
Cau3: [Mikc dd 1] Cho ham sé y=(2x2+4x+1)ﬁ.Khi d6 dao ham y'(0) bang
A. 43 B.O. C.1243. D. 28V3.

Cau4:  [Mirc dd 1] Tap x4c dinh cua ham sb y =(x* - 4) ‘1
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Cau 5:

Cau 6:

Cau7:

Céau 8:

Céau 9:

Céau 10:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. [0;+00). B. R\{#2} C. [2;+) D. R\{0}.
[Mite dd 2] Dao ham cia ham s6 y =3/x* +1 1a
1
A y’=;2. B. y':(x2+1)3 In(x2+1).
33 (x2+1)
C. y’ziz_ D. y':LZ_
3Y(x* +1) 3(x* +1)
1
. X -1)3
[Mtre do 2] Tim tap xac dinh D cuiahamso y = < +X-2.
A. D=(-11). B. D=(~L0)U(L+0).
C. (—0—1)U(L+%0). D. (—o0;—1]U[L;+0).

[Mire 9 2] Tim diéu kién cua s6 thuc duong @ dé dudng thang x =a(a > 0) cat do thi ham sb
1 i . s . :
y=x*va y=x5° lan luot tai hai diém A, B. Biét rang tung d¢ diém A bé hon tung d diém B.
A. O<a<l. B.a>1. C.l<a<4. D.l<a<5.

5 4
[Mtke d9 2] Dao ham ciiaham sé y = f (x) = Yx*/x* véi x>0 I

4 6 7
A. Jx. B. =3x. C. ) D. —%x.
U 3\/_ 7Ux 6\/_

[Mige d§ 3] CO6 bao nhiéu gia tri nguyén cua me(-2020;2020) dé ham sb
y= (x2 —2x—m+1)J§ co tap xac dinh 1a R .
A. 4038. B. 2019. C. 2020. D. 2021.

1
[Mtke d9 3] C6 bao nhiéu gia trj nguyén ciia tham sé m dé ham sé y = (x* —2(m—1)x+m+5)°

x4c dinh trén R va dong bién trén khoang (1 +).
A. 3. B. 4. C. 5. D. 6.
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GIAI TICH 12 - CHUONG 2
_ , ] ] §3. LOGARIT
A. PHAN KIEN THUC CHINH
|. PINH NGHIA
1. Pinh nghia

> VD MO DAU:

7 = e b 3% = 27 g =
e B = 7 == = Tr=... = r=_ .
ilil 2!_1
oE — ﬁ T \/5 o e 9 s E
. = = Tr=... = T = = a
= 16% = ¢ S — 8" =1
=T =... = r=... =T =... = T=...
27 =15
= I =

> PN: Cho hai s6 duong a,b véi a=1.S6 o théa min dang thac a* =b duoc goi 1a logarit co

s6 acaa b vaki hiéu la log,b. Tacéd |a=log,b < a* =b

> Chu y: Khéng c6 logarit ciia s6 am va sé 0.

2. Vidu

» VD1: Tinh a) log,8.b) log, 9. C) Iogzi.d) Iogsx/§. e)log_1.
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Il. Tinh chat

Cho hai s6 duong a, b véi a =1, ta ¢ cac tinh chat sau:

1. log,1=0 2. log,a=1 3. a"" =h
> VD2: Tinh a) 32w b) log, 8 ) 477
2

I11. Quy tic tinh logarit
Cho céc s6 duong a,b,b,,b, véi a=1, taco quy tac sau:
log, bib, =log, b, +log, b,
Cha y c6 thé ma rong cho tich caa n sé duong
log, (bb,..b,) =log, b, +log, b, +...+log, b, (a,b,b,,...b, >0, a=1)

Ioga % = Ioga bl - Ioga bZ

2

bac biét log, % =—log, b

log, b“ =alog, b

bac biét log, Yo =%Ioga b

» VD3: Tinh

a) log, 9+log, 4 b) log,120-log,15 c) log, 2+Iog1%+loglg
2 2 2
z 1
d) log, 35—1log, 30+ log, 6 e) log, 47 f) |095\/§—§|09515
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B. LUYEN TAP
I. Chira bai tdp SGK
Bai 1 trang 71 — SGK: Khéng sir dung may tinh, hay tinh:

a) Iogzé b) log, 2 c) log, /3 d) log, 0,125
4
Bai 2 trang 71 — SGK: Tinh: a) 4°%3, b) 27'%:%, c) 9962 d) 497"

C. Bai tap tric nghiém

DANG 1. TINH GIA TRI BIEU THU'C - MENH BE PUNG SAI

PE BAI
Caul: [Mikc d 1] Tinh gia tri cua biéu thic P =log, 8+log, 27 —log, 5°.
A. 1l B. 2. C. 3. D. 4.
Cau2: [Mircdd 1] Cho a,b,c>0;a=Lb=1., Trong cac khang dinh sau, khang dinh nao sai?
A. log,a=1. B. log, b.log,c=1log, c.
C.log_ b=clog,b. D. log, (bc)=1log,b+log, c.

3

Cau 3:  [Mirc dd 2] Vi céc s thuc duong a, b bat ki, Iogz(z%j biéu dién theo log, a va log,b la

A. 1+3log,a—log, b B. 1+%Iogza—logz b.
C. 1+3log, a+log, b. D. 1+%Iogza+logz b,
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Cau4d: [Mue dd 2] Tinh log. ., 4—L+ Ine??,
2 1010
A. 2021. B. 2019. C. 2022. D. 2020.
Cau5:  [Mike @9 2] Tinh gi tri cua biéu thac P =log, (a."’ aﬁ) voi 0<a=1.
A.le. B.PZE. C.P:E. D. P=3.
3 2 3
Cau6:  [Mikc dd 3] Tinh gia trj cua biéu thuc:
P =log(tan1')+log(tan2")+log(tan3")+...+log(tan89").
A. P=0. B. P=2. C. :%. D. P=1.
A. PHAN KIEN THUC CHINH
IV. Doi co sb
log. b

log.b=log_ a.log,b; log,b= 1
log

Cho ba sé duong a, b, c véi a#1,c#1,taco log, b= —2—

log.a

Tir diéu trén ta rat ra cac cong thie dic biét:

a,logab.logbazl, (b#1); Ioga,,bzllogab, (a#0)
o

b

»VD4: Tinh:

log; 3+log; 2

b) log.5.log, 3.100. 2. c) 21915,
log, 6 ) log; 5.log, 3.log, )
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-

V. Logarit thap phan, logarit tw nhién

Logarit thap phan 1a logarit co s6 10, log,, b thudong dwoc viét 1a logh hozc Igb.

Logarit tw nhién (logarit Neper): Logarit co s6 e duoc goi la logarit tu nhién, log,b (N >0),
duoc viét1a Inb.

N—+o0 n

Véi e = lim (1+1j ‘e ~2,718 281 828 459 045
>Chu y

Muon tinh log, b véi a =10 va a =e, bang MTBT, ta c6 thé si dung cong thizc doi co so.

_Inb
Ina

log, b :M; og, b
loga

Chang han log, 3= log3 _ In3 ~1,584 962 501
log3 In2

B. LUYEN TAP
I. Chira bai tap SGK
Bai 3 trang 71 — SGK: Rt gon biéu thuc:
a) log, 6.log, 9.log, 2 b) log, b* +log,, b*
Bai 5 trang 71 — SGK:
a) Cho a=1log,, 3,b =1log,,5. Hay tinh log,,1350 theo a,b.
b) Cho ¢ =log,; 3 . Hay tinh log,;15theo c.
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C. Bai tap triac nghiém

DANG 2. BIEU DIEN LOGARIT

s Phwong phap:

Céu 1:

Céu 2:

Céu 3:

Cau 4:

Cau 5:

Cau 1:

Cho a =log, b. Biéu dién log, n theo a.

log, n

*+ Néu (a,b)=1thi log, n= | vasi dung cdng thic tich, thuong, lity thira bién doi tiép.
0

a

. . log, n
+ Néu (a,b)#1 thi bien doi log,b=k.log, q trong d6 (p,q)=1 saudo6 log, n= 91 Vasir dung

log, m

cong thirc tich, thwong, lity thira bién doi tiép.

PE BAI
[Mite @ 1] Cho log,5=a. Gia trj cia log, 25 theo a bang

A. 3a. B. 2a. C. §a. D.ga.
2 3

[Mire d6 1] Dat log4 = a, khi ¢6 log4000 biéu thi theo a la
A. 3+a. B. 4+a. C. 3+2a. D. 4+2a.

[Mie @9 2] Cho log, x =a. Tinh gia tri cua biéu thic A=log, x* +log, x* +log, x theo a.
2

A2 B. -2 C.a. D. -a.
2 2
[Mire d9 2] Cho log,5=a; log,5=b. Khi d6 log,5 tinh theo a va b la.
@b B 1 C. a%+b?. D.a+h.
a+b a+b

re do i moi s6 a, b>0 thoaman 9a”+b® =10ab thi dang thirc dung 1a.
[Mire d§ 3] Vi moi s6 a, b>0 th 9a”+b® =10ab thi ding thirc ding 1
. log(3a+b) loga+logh

A. 2log(3a+b)=loga-+logh.

4 2
C. loga+log(b+1)=1. D. Iogsa:b:%(logaﬂogb).
D. BAI TAP TU LUYEN (phin nay khéng lam PPT)
DE BAI
[Mire d9 1] Cho a,b,c>0va a,b =1, Trong céc khang dinh sau, khang dinh nao sai?
A. a"%’ =b. B. log,b=log,c<b=c.
C. Iogbc:mgac D. log,b>log,c<b>c.

Céau 2:

Cau 3:

log, b
[Mire d9 1] V6i a la s6 thuc duong tuy ¥, log, (a*) biéu dién theo log, a la

A. 2log,a. B.%+Iog2a. C. 2+log, a. D.%Iogza.

[Mike d9 1] Gid tri biéu thac A = 2'°%1571%%25 [
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Cau 4:

Céu 5:

Céau 6:

Cau 7:

Cau 8:

Céau 9:

Céau 10:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. A=3. B. A=15. C. A=5. D. A=10.

[Mire @9 1] Gia tri biéu thiic P = log 3.log, 5—:2—3 la

A 0. B. 2. C. 1. D. 1.

[Mite d9 2] Cho hai s6 thyc duong a va b véi a=1, log , (ab) biéu dién theo log, b la

A Iogaz(ab)zglogab. B. Iogaz(ab)zilogab.

C. log_, (ab)=2+2log, b. D. Iogaz(ab):%+%logab.

L aa .2 , 1 N
[Mtre do 2] Biéu thuc P = — bang.

log,,5 log,5

A. log, 5. B. 2. C. log, 7. D. %

. e . 125
[Mire d§ 2] Cho log2=a Tinh IogT theo a?
A. 4(1+a). B. 2(a+5). C. 3-5a. D. 6+7a.
[Mire @ 3]Cho hai s6 a, b thoa méan log, a+log,b*=5 va log, a’ +log,b=4. Gia tri ab
la:
A. 48. B. 256. C. 144. D. 324.
[Mire @9 3] Cho log,9=a. Tinh log, 2 theo a.
A 2+2 B 272 c. 222 D. 2.

a a a 2-a
[Mire d 4] Cho a, b 12 cac sb thuc duong théa mén b >1 va v/a <b<a. Gia tri nhé nhit cua

, a
biéu thauc P=1log. a+2lo —lla
buti: P -log 1+ 210

A 4. B. 3. C. 5. D.7.
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GIAI TiCH 12 - CHUONG 2
§4. HAM SO MU, HAM SO LOGARIT

A. PHAN KIEN THUC CHINH

I. Ham s6 mii
Dit van dé
Céu héi 1: Dién tich rig mede ta nam 2014 la 13,8 triéu ha, gia sir sau mbi nam dién tich rirng
niede ta ting thém x phan tram dién tich hién c¢é. Hoi sau 10 nam, dién tich rimg nwde ta sé la bao
nhiéu phan tram dién tich hién nay?
Céu héi 2: Anh An mudn mua xe Ford Fiesta tri gi4 584 triéu theo phuong thuc tra trudce 150
triéu, con lai 434 triéu s& vay ngan hang theo hinh thic tra gép hang thang 10 triéu vai 14i suat
7%/nam. Hoi sau bao nhiéu nam thi anh An tra hét ng?
Cau héi 3: Nam 2019 dan sé Viét Nam c6 96,2 triéu ngudi véi ti 1é gia ting tu nhién 12 1,08%.
Hoi dén nam 2030 dan sb Viét Nam 1a bao nhiéu néu ti Ié ting dan s6 hang nim khong d6i?
VD MO PAU
Néu bai toan “ 1ai kép”
Bai toan 1: Ong A giri s6 tién P dong vao mot ngan hang véi 1i sut r/nam. Biét rang néu khong
rit tién ra khoi ngan hang thi cir sau mdi ndm, sd tién 13i s& duwoc nhap vao vén ban dau (ngudi ta
goi d6 14 13i kép). Sau n nam, sb tién duogc linh (con goi 1a von tich liy) cta ong A 13 Py,

Hay dién vao bang sau:

Sau nim thirk | Tiénlai | SO tién linh dwoc (von tich liiy)
k=1 T,=Pr | B=P+T,=P+Pr=P(l+r)
k=2 T,=.. P,=..

k=n T =.. P =..

1. Pinh nghia:

Cho sé thiee duwong a#1. Ham sé y =a* duwot goi 1a ham sé mii co sé a.

> Chly: co sb a la sb duong khac 1.

> VD1. Hoc sinh lay vi dy vé ham sé mii, xac dinh co s6 trong cac trudng hop do.

> VD2. Trong cac ham sé sau, ham s6 nao 14 ham sé mii? Co s6 1a bao nhiéu?

A.y:<\/§)x. B.y:x%. C.y=x". D. y=47".
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2. Pao ham cia ham so mii

\ A A 9 - e
Thura nhan két qua: |II’TO1
t—

!

> Pinh i 2. Ham s6 y =a*(0<a#1) c6 dao ham tai moi diém x va (a*) =a*.Ina.

!

Téng quét ta co (a*) =a"u'Ina

» VD 4. Tinh dao ham cua cac ham sé sau:
a) y= g8 b) y= 32x2—x+1 C) y= 525inx—4

3. Kho sat ham s6 mii

Hamsé y=a* (0O<a=1).

O<axl

Trang 93
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1. Tap xac dinh R 1. Tap xac dinh R

2. Sw bién thién y'=a*.Ina>0,vxeR 2. Su bién thién y'=a*.Ina<0,vxeR

— ham s6 dong bién trén R — ham s6 nghich bién trén R

Gid¢i han: lima* =0, lima* =+w Gigi han: lima* =0, lima* =+w

X—>—00 X—>+00 X—>+0 X—>—00

Tiém can: Truc Ox la tiém can ngang. Tiém can: Truc Ox la tiém can ngang.

Bang bién thién Bang bién thién

I1. Ham s6 logarit
1. Dinh nghia

Cho s6 thuc diong a khac 1. Ham s6 y =log, x duwoc goi 1a ham sé logarit co sé a.

> Chl y: Hamsé y =log, x Véi diéu kién 0<a =1 0 tdp xdc dinh D =(0;+).

> VD 1: Hoc sinh lay vi du vé ham sé logarit

> VD 2. Trong cac ham sé sau, ham nao 1a ham sé logarit? Co s6 bao nhiéu?

A y=2". B. Inx. C.y=1. D. y=+X.
X
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» VD3: Tim tap xéc dinh cta cac ham sé:
a) y=log, (2x+1) b) y=log,(x* —3x+2)

d y= Iog(x2+x+1)

2. Pao ham ciia ham s logarit

> Pinh 1i 3. Ham s6 y =log, x, (0<a=#1) co dao ham tai moi x>0 va

1

. bic biét
xIna

(log, x)’ =

Téng quét ta co

!

(log, u)

> VD 4. Tinh dao ham cta cac ham s sau:
a) y=In(x*+x+1). b) y =log,(x* —2x). c) y =5x*-2xlog, x.
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3. Khao sat ham sé logarit

Hamsé y=log,x (0<a=l).

a>1 O<axl

1. Tap xac dinh (0;+0) 1. Tap xac dinh (0;+o)

2. Sw bién thién y' = L >0,Vx e (0;+x) 2. Sw bién thién y' = ! <0,¥x e (0;+x)
xIna xlna

= ham s6 dong bién trén (0;+o0) = ham s6 nghich bién trén (0;+)

Giéi han: limlog, x=-, lim log, x =+ | Giéi han: limlog, X =+, lim log, X =—o
X—>+00 X—>+00

x—0" x—0"

Tiém can: Truc Oy la tiém can dang. Tiém can: Truc Oy latiém can dang.

Bang bién thién Bang bién thién

y=log.x (f<a<li)

y=log.x (a>1)

> VD: Khao sat va vé d thj cac ham sé sau trén ciing mot hé truc toa do y = log, x va

Trang 96
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> Nhan xét: D6 thi cac ham s y =log, x va y=a* ddi xting nhau qua duong thang y = x.
Tom tit bang dao ham cia ham sé mii va ham sé logarit

Bang dao ham cia cac ham so lily thira, mi, logarit

I Ham so cAp Ham hop I

)—ax

(x
g3
(J?)

B. LUYEN TAP
I. Chira bai tap SGK
Bai 1 trang 77 — SGK: V& d6 thi ham s (giao nhiém vy cho cac nhom)

) y -4 ) y=(3)

Bai 2 trang 77 — SGK: Tinh dao ham cua cac ham sé
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a) y=2xe* +3sin2x. b) y =5x*—2"cosX. c) y:X;X_l.
Bai 3 trang 77 — SGK: Tim tap xéac dinh caa cac ham sb sau (giao nhiém vu cho cac nhém)
3X+2

a) log, (5-2x). b) log,(x*-2x).  c) log, (x*—4x+3). d) 10go, T
5

Bai 5 trang 78 — SGK: Tinh dao ham cua cac ham sé

a) y=3x"—Inx+4sinx. b) y=log(x*+x+1). c) y:IOg—3X.
I1. Bai tap tric nghiém
DE BAI
Caul: [Mire dd 1] Tap xac dinh cia ham s6 y=5" Ia
A R. B. [0;+). C. (0;+). D. R\{0}.

Cau2:  [Mire dp 2] Hamsd f(x)=2"" c6 dao ham la

(2x-2).22

A. f'(x)=(2x-2).2**.In2. B. f'(x)= -
) l— .22x—x2
C. f'(x)=(1-x).2"**.In2. D. f’(x)z%.

Cau 3:  [Mire dd 1] Ham sé ndo sau day dong bién trén R ?

1Y 1Y) 1Y
A y=|=]|. B. y=2". C.y=|—=1. D.y=|=1|.
d (5) y d (1o] d @

Cau4: [Mircdd 2] Hams6 f(x)=(x*+2x)e™ co dao ham
A fr(x)=(x"+4x+2)e™. B. f'(x)=(2x+2)e™.
C. f'(x)=(-2x-2)e™. D. f’(x):(—x2+2)e‘x.
Cau5:  [Mirc d 3] Hinh bén la d thi ham sé y=a“,y=b*,y=c*(0<a,b,c#1) dugc v& trén clng

mét hé truc toa do. Khéng dinh nao sau day dtng?

A.a>b>c. B.c>b>a. C.a>c>bh. D.b>ax>c.

Cau6:  [Mire dd 1] Tap xac dinh ciiaham s y =log, (x—2) la
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A. (2;40). B. [2;+0). C.R. D. (—;2).

Cau7: [Mikc dd 2] Tim tap xac dinh D ctia ham sd y =In+/x2 —3x+2.
A. D:(l;Z). B. D:(2;+oo).
C. D=(-x;1). D. D =(—0;1)U(2;+).

Cau8:  [Mirc dd 2] Dao ham cua ham sd y =In(x* +2021) Ia

2X X
Ay =———. B.y=————.
y x? +2021 y x? +2021
1 2X
C.y=———. D. v'= ]
Y= 0m Y (x*+2021)loge

Cau9:  [Mirc d9 2] C6 bao nhiéu gia tri nguyén cia tham sé m dé ham s6 y =In(x* —mx-+1) c6 tap
xacdinhla R ?
A. 5. B. 4. C. 2. D. 3.

Cau 10: [Mire @9 3] Cho cac s6 a,b,c>0 va a,b,c=1. D6 thi cua cac ham sé y = log, x, y = log, X

va y=log, x duoc cho boi hinh vé

1 0

Ménh dé nao dudi day ding
A.c<b<a. B.b<ax<ec. C.c<ax<b. D.a<bhx<ec.

C. BAI TAP TU LUYEN (phén nay khong I1am PPT)
PE BAI

Caul: [Mic d 1] Tap xac dinh ciia ham sé y =log, x la

A. [0;+0). B. (—o0;+). C. (0;+00). D. [2;+).
Cau2: [Mire dd 1] Tap x4c dinh caaham sé y = log, x 1a

A. [0;+oo). B. (—oo;O). C. (0;+oo). D. (—oo;+oo).
Cau3:  [Mirc dd 2] Tim tap xéc dinh cua ham 6 y =100, (3x - X*).

A D=R. B. D=(0; +0).
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C. D=(-o0; 0)U(3; +x). D. D=(0; 3).

Cau4:  [Mirc d 2] Tim tap xéc dinh cia ham sé: y = 2 +log(3-x)
A. [0;400). B. (0;3). C. (—0;3). D. [0;3).

Cau5:  [Mirc dd 2] Tim tit ca céc gié tri thuc cua tham s6 m dé ham s6 y =log(x* —2x—m+1) c6 tap

xacdinhla R.
A.m<2. B.m>2. C. m>0. D. m<O0.
Cau6: [Mikc dd 1] Tim dao ham cua ham sé y =logx .
In10 1 1 1
Ay =—-. B. y= : C.y= . D.y==.
y y xIn10 y 10In x y X
Cau7: [Mire dd 2] Hamsb y =25 co dao ham Ia
A. 2°*In2. B. (2x-1).2*In2.
C. (2 —x).28 ™, D. (2x-1).2°*.
A oA , \ L A x+1
Céau 8:  [Mirc do 2] Tinh dao ham cta ham s6 y:T
. 1-2(x+1)In2 . 1+2(x+1)In2
A. y :f. B. y :f.
2% 27
. 1-2(x+1)In2 . 1+2(x+1)In2
Cy=s=———Dy=—"—"77"—.
2" 2"
Cau9: [Mircdd 2] Hams6 f(x)=log,(x* —2x) c6 dao ham
In2 1
A. f'(x)= . B. f'(x)=———+—.
() x? —2x (x) (x*—2x)In2
2x—2)In2 2% —2
C.f'X:(—. D. f'(x)=——"——+—.
(%) X2 —2x () (x*—2x)In2
Cau 10: [Mire @9 2] Cho d6 thi ham sé y=a* va y =log, x nhu hinh v&.
by
)
.
2 -1 0 1 2 3
_1_ /
Khing dinh nao sau dy ding?
A.0<a<%<b. B. 0<a<l<b. C.0O<b<l<a. D.O<a<1,0<b<%.
Cau 11: [Mike dd 2] Trong cac ham sé sau ham sé nao nghich bién trén R ?
X 2 =X
A. log, x2. B. y=log(x). c.y=|%]. D. =—j .
g y =log(x°) y bj y (5

Cau 12: [Mike dd 2] Pudng cong trong hinh v& bén 1a db thi cua ham s6 nao dudi day?
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Céu 13:

Céu 14:

Céu 15:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A
Ho 0
o (1 ¢ "
.I;'ll
|
A y=—e. B. y=|Inx|. C.y=Inx. D. y=¢e".

[Mire d9 3] Tim tat ca cAc gid tri cia m dé ham s y = In(—x* +mx+2m+1) xac dinh voi moi

xe(L2).

A.mz-l. B. m> C.m>§. D.m<—1.
3 4 3

[Mire d9 3] Tim tap hop tat ca céc gia trj thuc cua tham s6 m dé ham s6 y =In(x* +1)—mx+1
dong bién trén khoang (—oo; +0)

A. B(5; +o). B. (—o0;-1). C. [-11]. D. (—o0;-1].

[Mite @9 3] Trong hinh duéi day, diém B 1a trung diém cua doan thang AC . Khang dinh nao

sau day la dung?
AY

Q

i~

[ S

[ S
“y
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GIAI TICH 12 - CHUONG 2

§5. PHUONG TRINH MU VA PHUONG TRINH LOGARIT
A. PHAN KIEN THU'C CHINH

|. PHUONG TRINH MU
1. Phwong trinh mii co' ban

> VD MO DAU:
Mot ngudi gui tiét kiém véi 13i suat 8,4%/nam va 13i hang nim duoc nhap vao vén. Hoi sau
bao nhiéu nim nguoi d6 thu dugc gap doi s tién ban dau?

» Dinh nghia: Phuong trinh mii co ban c6 dang a* =b (a>0,a=1)

» Chuy:

Vé6ib>0,tacéd a* =b< x=log,b

V6i b <0, phuong trinh vo nghiém.
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b) Pit an phu
»VD5: Giai phuong trinh 9 —4.3 -45=0.

c) Logarit hoa
»>VD6: Gidi phuong trinh 3*.2° =1.

Il — Phwong trinh logarit
Phuong trinh logarit 1a phuong trinh co chta an sé trong biéu thirc dudi dau logarit.

Chang han, ¢6 phuong trinh

log,x=4,

2

log?x —2log,x+1=0
14 nhitng phuong trinh logarit.

1.Phuong trinh logarit co ban

Phuong trinh logarit co ban c6 dang log,x=b (a>0, a=1).

Phuong trinh log,x=b (a>0, a#1) ludn c6 nghiém duy nhat x =a° véi moi b.

»VD1: Giai huong trinh log, (x—1)=3

»VD2: Giai huong trinh log, (x* -1)=3
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2. Cach giai mot s6 phuong trinh logarit don gian
Ngudi ta thudng sir dung cac phwong phap sau dé giai mot sé phuong trinh logarit.

a) Pwa vé ciing co sb
»VD3: Giai phuong trinh

log,x+logex +log,,x =11.

b) Pit 4n phu
»VD4: Giai phuong trinh

1,2
5—logx 1+logx

¢) Mi hoa

>VD5: Giai phuong trinh log, (9-2")=3.

Trang 104




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

B. LUYEN TAP

I. Chira bai tdp SGK
1.Phwong trinh mii
Bai 1 trang 84 — SGK:

2)(0,3)*? =1« (0,3)** =(0,3)° <> 3x -2 =0 < X =§

b)(%) =255 =5 x=-2

2 2 x=0
C)2" ¥ =4 & 2% 3X+2:22<:>x2—3x+2:2<:>x2—3x:0<:>x(x—3):0c{x_3

Vay phuong trinh ¢6 tap nghiém S={0;3}.

X+7 1-2x 1 I 1 o 1 o x-8 1
d)(0,5)""-(0,5) =2 < 2] 13 =2& 5 =22"=2Xx-8= l&x=9

Bai 2 trang 84 — SGK:
a) 3% +3% =108 = 31 +3*1.3=108 = 437" =108 &3 ' =27 &3> ' =3
&S 2X-1=3<=x=2.
Vay phuong trinh c¢6 nghiém x =2.
b) 2" +2*" +2¥ =28
224242222862 (2 +142) =28 2. 7=28

242 =2" = x-1=2<x=3.
c) 64*—8*—56=O<:>(8X)2—8x—56=0 (Phuong trinh bac hai 4n 8" )
= 8 :_7(L)<:>8X=8<:>x=1
8 =8
d) 3.4 —2.6 =9~

X X X X 2X X
@3.4X—2.6X—9X=0@3-4—X—2.g—x—1=0@3-(f) —2(%) —1:0@3-(3 —2-@) -1=0

bat (gj =1t>0, phuong trinh tr¢ thanh:
t:]. 2 X
3.tP-2t-1=0<= 1 :(—) =lex=0
3('—) 3

2)Phwong trinh logarit
Bai 3 trang 84 — SGK: Giai cac phuong trinh logarit:
a) log, (5x+3)=log,(7x+5); b) log(x—1)—log(2x—11) =log2;
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¢) log, (x—5)+log, (x+2)=3; d) log(x* —6x+7)=log(x-3).

Bai 4 trang 84 — SGK:Giai cac phuong trinh logarit:

a) %log(x2+x—5)= I095x+logs—1x;

b) % log (x* - 4x—1) = log8x - log4x;

c) log ;x+4log,x+loggx =13.

I1. Bai tap tric nghiém

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Céau 5:

Cau 6:

Cau 7:

Céau 8:

Cau 9:

[Mire @9 1] Tim tap nghiém S cia phuong trinh 2" =8.

A.S={1. B. S={-1}. C.S={4}. D. S={2}.
[Mire dd 1] Tim nghiém cta phuong trinh 2% =2,

A. x=1. B. x=2. C. x=4. D. x=3.
[Mite do 1] S8 nghiém ciia phuong trinh 2% =1 13

A. 0. B. 3. C.1. D. 2.

[Mire @9 1] Cho phuong trinh 4* +2*" —~3=0. Khi dit t = 2, ta duoc phuong trinh nao dudi
day?

A t?+2t-3=0. B. 4t-3=0. C. t*+t-3=0. D. 2t*-3t=0.

[Mire dd 2] S nghiém cia phuong trinh: 4 —6.2* +8=0 Ia

A 1. B. 2. C. 3. D. 4.

[Mire d9 2] Phuong trinh 4% —6.2* +8 =0 cd téng cac nghiém la

Al B. 2. C. 3. D. 4.

[Mirc d9 2] Cho phuong trinh 4" —6.2* +8=0. Goi X, X, la hai nghiém cua phuong trinh trén.
Khi d6, tich x,.x, bang

A. 1. B. 2. C. 3. D. 4.

[Mire dd 3] C6 bao nhiéu gia tri nguyén caa tham s6 m dé phuong trinh

gl —(m +3)31*J1’7 +2m+1=0 co6 nghiém thyc?

A. 5. B. 7. C. V0 sb. D. 3.

[Mire dd 3] Goi a 1a mot nghiém cua phuong trinh 4.27°9% —6'%* —18.3%* = 0. Khang dinh

nao sau ddy dung khi danh gia vé a?

log x
A (a—lO)Z =1. B. a ciling la nghi¢m cua phuong trinh (Ej =—.

C.a’+a+1=2. D. a=107.
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Cau 10: Giai phuong trinh log, (x* —x+2)=1.
A x=0v x=1 B. x=0v x=2. C. x=0v x=-1. D. V0 nghi¢m.
Cau 11: Tap nghiém cua phuong trinh log, (3x-7)=3 la
A {1}. B. {-2}. C. {5}. D. {-3}
Céu 12: Phuong trinh log, (x2 +2x+1) =0 c6 bao nhiéu nghiém am ?
Al B. 2. C.0. D.3
Cau 13: Tap nghiém cua phuong trinh log ;|x+1=2 la
A {-3,2}. B. {~4,2}. C. {3}. D. {-10,2}.
Cau 14: Tap nghiém ciia phuong trinh: log, (2 ~1)=-2 la
A. {2—log,5} . B. {-2+log,5} . C. {log,5}. D. {2+log,5} .
Cau 15: Phuong trinh: Inx+In(3x—2) =0 c6 may nghiém?
A. 0. B. 1. C.2. D.3
Cau 16: Tim s nghiém caa phuong trinh Iogﬁx.loggx. log,x=8.
A 2. B.0. C. 1. D. 3.
Cau 17: Tim s nghiém caa phwong trinh log ; (x+2) =log, (4x+6).
A. 3. B. 2. C. 1. D. 0.
Cau 18: Phuong trinh log, (x+2)+log,x* =3 c6 nghiém la
A. X=-2, x=4. B. x=2,x=4. C. x=2. D. x=0.
2 2
Cau 19: Biét rang phuong trinh [Iog;(9x)} +I0g3%—7 =0 c6 hai nghiém phan biét x,, x,.
Tinh P = xX,.

A. P:9—13. B. P=3". C.P=9 D. P=3.
Céu 20: Tim tap nghiém S cua phuong trinh log ; (x~1)+log, (x+1)=1.

2

A. S:{3+£/1_3} B. S ={3}.
C. S={2—£;2+£}. D. S={2+\@}.
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Cau 21: [Mikc dd 1] S6 nghiém cua phuong trinh 2¥* =1 13
A. 0. B. 3. C. 1. D. 2.
Cau 22: [Mike dd 1] Nghiém cua phuong trinh 22 = 2% ping
A. 1008 B. 2017 C. 1009 D. 2018
Cau 23: [Miic d 1] Phuong trinh 3**' —28.3* +9 =0 c6 hai nghiém la x,,X, (X, <x,) Tinh gia tri
T =x—2x,
A.T=-3. B.T=0. C.T=4. D. T=-5.
Cau 24: [Mitc do 2] Nghiém cua phuong trinh 9% =e" |3
A. x=5. B. x=4. C. x=6. D. x=17.

Cau 25: [Mire dd 2] Giai phuong trinh 4* —2*" +1=0 trén tap s thuc R

A. x=1. B. x=0. C.X=%. D. x=0
Cau 26: [Mire dd 2] Nghiém cua phuong trinh 4™ =8* (m tham sd) la
A. X=—m. B. x=-2m. C. x=2m. D. x=m.

Cau 27: [Mikc d9 3] Phuong trinh 4" —2.6* +m.9* =0 ¢6 2 nghiém thuc phan biét néu
1 1
A. m>0. B. m<O0. C.O<m<Z. D.m<z.

Cau 28: [Mire dd 3] Tim sé gié tri nguyén ciia m dé phuong trinh
41447 = (m+1)(2°7 - 2°)+16-8m c6 nghiém trén [0;1]2

A 2. B. 5. C. 4. D. 3.
Cau 29: Tap nghiém cua phuong trinh log, (3—x)+log, (1-x)=1 la
A. {4}. B. &. C. {0}. D. {0;4}.

Cau 30: Phuong trinh log, (4x—2)+log, (x*+1)=0 c6 hai nghiém X, <x,. Tinh x, +2X,

3

A. 0. B. 7. C. 4. D. 5.
Cau 31: Phuong trinh log,x+log, (x*)=log, (4x) 14
A. {0;-2;2}. B. {0;2}. C. {-2;2}. D. {2}.

Cau 32: Sb nghiém cuia phuong trinh log, (x° —2x* —3x+4)+log, (x-1)=0 Ia

2

A 2. B.0. C. 1. D. 3.
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Céau 33:

Cau 34:

Céu 35:

Céu 36:

Céu 37:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Tong gia tri tat ca cac nghiém caa phuong trinh log,x.log,x.log,, x.log,, X =§ bang
A.g. B.@. C.9. D.O0.
9 9
Tong cac nghiém ciia phuong trinh log, (3x—1)2 +log, (x+3)=11a
2
A. 8. B. 6. C. 7 D.5

S6 tién ma An dé danh hang ngay 1a x (don vi nghin dong, véi x e Z) biét x 1a nghiém cua
phuong trinh log ; (x—2)+log, (x—4)" =0. Téng sb tién ma An dé danh dugc sau 1 tuin (7
ngay) la

A 7. B. 21. C. 24, D. 14

Cho phuong trinh log, (x +1)2 +2=log ;v4—x+log, (4+ X)3 . Phuong trinh trén ¢6 bao nhiéu
nghiém?

A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. V06 nghiém

Phuong trinh log,,x° +%Iog7 (x—l)2 =log, (IogﬁS) c6 bao nhiéu nghiém?
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GIAI TICH 12 - CHUONG 2
§6. BAT PHUONG TRINH MU VA BAT PHUONG TRINH LOGARIT

A. PHAN KIEN THUC CHINH.
. BAT PHUONG TRINH MU.

1. BAT PHUONG TRINH MU CO BAN
a) PINH NGHIA:
Bat phuong trinh mil co ban c6 dang a* >b (hoic a*>b, a* <b, a* <b)véi a>0, a=1.

b) TINH CHAT

XétBPT a* >b (1)

+ Néu b <0 thi tap nghiém cua (1): T=R

+Néu b>0, a>1 thi tap nghiém cua (1): T = (log,b;+x) hay x> log,b

+ Néu b>0, 0<a<1thi tap nghiém cuaa (1): T =(~oc;log,b) hay x <log,b

>VD1:Tap nghiém bit phuong trinh: 2* >8 1

A. (—0;3). B. [3;+x). C. (3;+). D. (—;3].

2. BAT PHUONG TRINH MU PON GIAN

2.1: PUA VE CUNG CO SO: a™® > g%

+Néu a>1thi a™>a"™ < f(x)> g(x)

+Néu 0<a<1thi a®>a%% < f(x)<g(x)
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2.2: PAT AN PHU VA GIAI BPT BAC HAI:

Xét BPT m.a®@+na™+p>0,datt=a™ t>0

BPT tré thanh: m.t>+n.t+p>0

>VD3:Tap nghiém cua bat phuong trinh 4 <8 1a

A. [8;+). B.J. C. (0;8). D. (—;8].

A. 3. B. 1. C.0. D. 2.

Il. BAT PHUONG TRINH LOGARIT
1. BAT PHUONG TRINH LOGARIT CO BAN
A) PINH NGHIA: Bit phuong trinh logarit co ban ¢6 dang log, x >b (hoic log, x>b, log, x<b,

log, x<b)vési a>0, a=1.

B) TINH CHAT:

Xét BPT log,x>Db

+Néu a>1thi x>a"

+Néu 0<a<1thi 0<x<a’

>VD5:Tép nghiém cua bat phuong trinh log, (x-1)>3 Ia
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2. BAT PHUONG TRINH LOGARIT PON GIAN

2.1: PUA VE CUNG CO SO: log, f(x)>log,g(x)

+Néu a>1thi f(x)>g(x)>0

+ Néu 0<a<1thi 0< f(x)< g(x)

2.2: PAT AN PHU VA GIAI BPT BAC 2:

Xét BPT m.log’x+n.log,x+ p>0, dat t=1log,x . BPT tr¢ thanh: m.t*>+n.t+p>0

>VD7: Tim tap nghiém S cuia bt phuong trinh log, (x—4) > log, 5.

>VD8:Tim tap nghiém S cua bat phuong trinh logs x—5log, Xx+4>0.

A. S = (—0;1] U[4;+0). B. S =[2:16].
C. S =(0:2]U[L6;+0). D. (—o0; 2] U[16; +0).
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B. LUYEN TAP.

Céu 1:

Cau 2:

Cau 3:

Céu 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

[Mire @ 1] (THPT Gang Thép Thai Nguyén 2019) Tap nghiém bét phuong trinh: 2* <8 Ia

A. (—00;3). B. [3;+oo). C. (3;+oo). D. (—00;3].

2x+1
[Mtre dd 1] (SGD Hung Yén 2019) Tap nghiém cua bat phuong trinh (5) >1la

A. (=0;0). B. (0;+0). c. [—oo;—lj. D. (—%;4-00].

[Mire d9 1] (THPT Chuyén PHSP — Ha Noi - Lan 1 nam 2017 — 2018) Tap nghiém cua bat
phuong trinh log, ; X >log,; 2 la

A. (32). B. (—;2). C. (2;+4x). D. (0;2).

[Mire d9 1] (SGD Bac Ninh — Lan 2 - nam 2017-2018) Tap hop nghiém cua bat phuong trinh
log, (x-1)<3 la

A. S =(-»;10). B. S=(-x;9). C. S=(19). D. S =(310).

[Mire d9 2] (SGD Ha Noi-lan 11 nam 2017-2018) Tap nghiém cua bat phuong trinh
log, (x2 —5x+7) >0 la

A. (—00;2)u(3;+oo). B. (—oo;2). C. (2;3). D. (3;+oo).

[Mire d9 2] (THPT Ding Thic Htra-Nghé An-lan 1 ndm 2017-2018) Tim tap nghiém S cua
bat phuong trinh 4% < 2

A. S =(L+x). B. S=(—x;1). C. S=(0;1). D. S =(—0;+0).
[Mire d9 2] (SGD Quang Nam — nam 2017 — 2018) Tim tap nghiém S cuia bat phuong trinh
log, (x—3)>log, 4.

2 2
A. S=(37]. B. $=[3;7]. C. S=(—»;7]. D. S=[7;+x).

[Mire d9 2] (THPT Chuyén PH Vinh — Lan 2 — ndm 2017 — 2018) Tap nghiém cua bat phuwong
trinh 2 <2 1a

A. [0;1). B. (—»;1). C. (R). D. (L +).

[Mire d9 2] (THPT Chuyén Nguyén Quang Diéu — Pong Thap — Lan 5 nim 2017 — 2018) Tim
tap nghiém D cua bat phuong trinh 9* < 3.

A. D=(0;6). B. D =(—;4). C. D=(0;4). D. D =(4;+w).
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Cau 10:

Cau 11:

Cau 12:

Céu 13:

Céu 14:

Céu 15:

Céau 16:

Cau 17:

Cau 18:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mite dd 2] (THPT Chuyén Théi Binh — Théi Binh — Lan 5 nam 2017 — 2018) Tap nghiém cua
I x-1
bat phuong trinh (3/5 ) <5 la

A. (—oo;—5). B. (—oo;O). C. (—5;+oo). D. (0;+oo).

[Mike d§ 2] (THPT Chuyén Luong Thé Vinh - Ha Noi — Lan 2 nim 2017 — 2018) Tap nghiém
cua bét phuong trinh log,, (x—3)>-1 la

A. (35). B. [5;+). C. (-;5). D. (35].

[Mike dé 2] (TT Diéu Hién-Can Tho-thang 10-ndm 2017-2018) Nghiém cua bit phuong trinh

9x%-17x+11 7-5x
=) e

A.x:g. B.x>z. C.x;tg. D.xsg.
3 3 3

3
[Mtre dd 2] (TT Diéu Hién-Can Tho-thang 10-nim 2017-2018) Tap nghiém cua bat phuong
trinh 2log, (x—-1)<log, (5—x)+1 la
A. (1,5). B. (1;3]. C. [13]. D. [3;5].

[Mire d9 2] (Truong BDVH218LTT-khoa 1-nam 2017-2018) Tim sé nghiém nguyén cua bat
phuong trinh log, (4x—9)> log, (x+10).

2 2
A. 6. B. 4. C.0. D. Vo0 sb.

[Mire d9 2] (THPT Hau Loc 2-Thanh Hoa-an 1-nam 2017-2018) Tim tap nghiém cua bat
phuong trinh log, (X2 +2Xx-8 ) >—-4.
2

A. (-4 2). B. [-6; 4). C.[-6;—4]u[2;4]. D.[-6;-4)u(2; 4].

[Mire d9 2] (THPT Lé Vin Thinh-Béc Ninh-lan 1 nim 2017-2018) Giai bat phuong trinh sau
log, (3x—5) > log, (x+1)
5 5

A.§<x<3. B. -1<x<3. C. —1<x<§. D. x>3.

[Mire a9 2] (THPT Ha Huy Tap-Ha Tinh-lin 1 nam 2017-2018) Tim tap nghiém cua bét
phuong trinh log, (x—4)+1>0.

5

A. (—oo;%j. B. l:%;-i—ooj. C. (4+). D. (4%)

[Mire d9 2] (THPT Phan Chéu Trinh-DakLak-lan 2 nim 2017-2018) Tim tap nghiém S cua
bét phuong trinh log, (x+1)<log, (2x-1).
2 2

2
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A sz(%;z) B. S = (-1,2). C.S=(Z+x).  D.S=(-=2).
Cau 19: [Mike dd 2] (THPT Lé Quy Pon-Quang Tri-lan 1 nam 2017-2018) Bit phuong trinh
log, (x+7)>log, (x+1) cé tap nghiém la
A. (5+). B. (-12). C.(24). D. (-3;2).

Cau 20: [Mikrc @9 2] Tap nghiém S cua bat phuong trinh log x—5log, x-6<0 la

refye (o2

C. S =[64;+). D. S :(O;ﬂu[64;+oo).
Cau 21: [Mire @9 2] (Ly Nhan Tong - Bac Ninh 2019) Bat phuong trinh 3% ~7.3*+2>0 ¢0 tap
nghiém la
A. (—0;-1)uU(log, 3;+x). B. (—0;-2)uU(log, 3;+0).
C. (—o0;-1)u(log, 2;+e0). D. (—o0;-2)u(log, 2;+0).
Cau 22: [Mire d9 2] (Chuyén Vinh Phuc 2019) Tap nghiém S cua bit phuong trinh 5% < [%] la
A. S:(—oo;Z). B. S:(—oo;l). C. S:(1;+oo). D. S:(2;+oo).
Cau 23: [Mire d9 3] (THPT Can Loc-Ha Tinh-lan 1 nim 2017-2018) Giai bat phuong trinh

log, (3x—2) > log, (6—5x) duoc tap nghiém la (a;b). Hay tinh tng S =a+b.

_i B s=ot, c.s=28 D.s=%.
5 6 15 3
Cau 24: [Mire dd 3] (THPT Lé Quy Pon-Hai Phong lan 1 nam 2017-2018) Tim tap nghiém cua bat

phuong trinh log, {Iog2 (4)( T'ﬂ <-1.
2

A.S

A R\ B. (L +). C.R. D. (_w;_gju(l;m)

Cau 25: [Mire dd 3] (THPT Nguyén Trai-Da Nang-lan 1 nam 2017-2018) Tap nghiém cua bat phuong
1
—_— 4
trinh (lj“ <(1j la
2 2
A S=(2+). B.S=(—20).  C.S=(01). D. S:(l;%).

Cau 26: [Mire d9 3] (THPT Chuyén Thai Binh-lan 4 nam 2017-2018) Tap nghiém ciia bat phuong trinh
3log, (x+3)-3<log, (x+7) ~log,(2-x)’ 1a S =(a; b). Tinh P=b—a.
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Cau 27:

Cau 28:

Céu 29:

Céau 30:

Cau 31:

Céu 32:

Céau 33:

Céu 34:

Céau 35:

Cau 36:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A 2. B. 3. C. 5. D. 1.

[Mire dd 3] (THPT Nguyén Khuyén-TPHCM-nim 2017-2018) Bét phuong trinh
log, (2x—3) <log, (5—2x) c6 tap nghiém la (a;b). Tinh gia tricia S=a+b.
2 2

A.S:Z. B.S=g. C.Szl—l. D.S=E.
2 2 2 2

[Mire d9 1] (Pé Tham Khao 2017) Tim tap nghiém S cuaa bat phuong trinh 5 —% >0.

A. S =(—0;-2). B. S=(L+). C. S =(-L+x). D. S =(-2+»).

[Mire dd 2] (THPT Cu Huy Cén 2019) Tap nghiém cua bat phwong trinh 2% <8 |3

A. (—o;-3]. B. [-31]. C. (-31). D. (-31].

[Mire d9 2] (Chuyén Vinh Phic 2019) Tap nghiém S cua bat phuong trinh 52 < (%j la
A. S =(-x;2). B. S =(—x;1). C. S =(L+0). D. S =(2;+»).

[Mire d9 2] (THPT Gang Thép Thai Nguyén 2019) Tap nghiém bét phuong trinh 2% <16 1a
A. (—0;-1). B. (4;+x). C. (-14). D. (—o0;—1)U(4;+).

[Mire dd 2] (Chuyén Quéc Hoc Hué 2019) Tim tap nghiém S cua bat phuong trinh

1 —x243x 1
— <—.
2 4

A. S=[12]. B. § =(—0i1). C. $=(L2). D. S =(2;+00).
[Mire d¢ 2] (D& Tham Khao 2019) Tap nghiém cuia bat phuong trinh 32 <27 Ia
A. (—oo;—l). B. (3;+oo). C. (_1;3)_ D. (—OO;—l)U(3;+oo)_

[Mire 9 2] (THPT Ha Huy Tap-Ha Tinh-lan 2 nim 2017-2018) T4p tat ca cac nghiém cua bat
phuong trinh log, (X2 - X) >-11a
2

A. [-12]. B. [-10)u(12]. C. (—o0;—1]u(2;+]. D. (-12).
[Mire d§ 1] (THPT Kinh Mén-Hai Duong 1an 1 nim 2017-2018) Nghiém cua bat phuong trinh
32X+1 > 33—X Ié.
A.x>—g. B.x>§. C.x>g. D.x<g.
3 2 3 3

[Mire d9 2] (THPT Quynh Luu 1 — Nghé An — Lan 2 nim 2017 — 2018) T4p nghiém cua bt
phuong trinh 4* > 2**® 13
A. [8; +oo). B. (—00;8) ) C. (0;8). D. (8; +oo) )

Trang 116




Céau 37:

Céau 38:

Céu 39:

Céu 40:

Céu 41:

Cau 42:

Cau 43:

Céau 44:

Céau 45:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mire @9 2] (SGD Ba Ria Viing Tau-dé 2 nim 2017-2018) Goi x,, X, la hai nghiém nguyén

am ctia bat phuong trinh log, (x+3) < 2. Tinh gia tri cia P =|x, —X,|.

A. P=3. B. P=2. C.P=1. D. P=5.

[Mike dd 2] (THPT Luc Ngan-Bic Giang-lan 1 nam 2017-2018) Tap nghiém cua bat phwong
trinh: log, (x—3)+log, x>2 la

A. (3;+%). B. [4;+). C. (—o0;—1]U[4;+0). D. (3;4].

[Mire dd 2] (THPT Chuyén Ha Long-Quéng Ninh lan 2 nam 2017-2018) T4p nghiém cua bat
phuong trinh log, (x+1) > log, (2x-5) la
P 1

4

A. (-L6). B. (gsj C. (<=6, D. (6;<0).

[Mire d9 2] (THPT Chuyén Phan Boi Chau-lan 2 nam 2017-2018) S nghiém nguyén cia bat
phuong trinh log, x+log, x >1+1log, x.log, x la
A 1. B. 2. C. 3. D. Vo sb.
[Mire d9 2] (THPT Tay Thuy Anh — Théi Binh — lan 1 - nam 2017 — 2018) Giai bt phuong
trinh 2log, (4x—-3)+log, (2x+3)2 <2.

9

A.x>§. B.§<x33. C. V6 nghiém. D. —§3x33.
4 4 8

[Mire d9 3] Tap nghiém cia bat phuong trinh; 311 43<3¢ 431,

A. 2<Xx. B.1<x<2. C.2<x<7. D.2<x<4.

[Mire d9 3] (THPT Luc Ngan-Bic Giang-lan 1 nim 2017-2018) Cho ham s

y =log, (x2 —2x) . Tap nghiém cua bat phuong trinh y' >0 4
3

A. (—oo;—l). B. (—oo;O). C. (l;+oo). D. (2;+oo).

[Mire dd 3] T4t ca céc gia tri cia m dé bat phuong trinh (3m+1)12* +(2—m)6* +3* <0 ¢
nghiém dang Vx>0 la

A. (=2;+0). B. (—;-2]. C. (—oo;—%j. D. (—2;—%).

[Mire dd 3] (M 105 2017) Tim tat ca cac gia tri thuc caa tham s6 m dé bat phuong trinh
log; x—2log, x+3m—2<0 c6 nghiém thuc.

A. m<1. B. m<1. C. m<0. D.m<§.
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Céu 46: [Mirc d§ 3] (Chuyén Vinh Phuc 2019) Cho f (X) = x.e**. Tap nghiém cua bit phuong trinh
£(x)>0 Ia
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GIAI TiCH 12 - CHUONG 3
§5. NGUYEN HAM

A. PHAN KIEN THU'C CHINH
I. NGUYEN HAM VA TINH CHAT
1. Nguyén ham
> VD MO PAU:
a) Chohamso f (x)=3x’. Ham s F(x) nao sau day khong thoa man F'(x)= f (x)
A. F(x)=x". B. x°+2021. C. x*—-2004. D. 3x*+2x-7.

b) Cho ham s6 f ( ):coszx VGi XE(%;%j.T\Im ham s F(x) sao cho F'(x)= f (x)
A. F(x)=tanx+\/1_0. B. F(x)=3x+tan x+2022.
C. F(x)=2cosx—-9. D. F(x)=—cotx+1221.

> Dinh nghia: Cho ham s f (x) xéc dinh trén K . (K 12 mot khodng, nira khodng hodc mot
doan). Ham s F(x) duoc goi la nguyén ham cua ham s6 f (x) trén K néu F'(x) = f (x) véi

moi xe K.
» VD1:

a) Ham s6 F (x)=x* la mot nguyén ham cia ham s6 f (x)=2x trén R vi F'(x)=(x*) =2x
vxeR.

b) Ham sé F(x)=Inx la mot nguyén ham ciia ham sb f(x):§ trén khoang (0;+0) Vi

F'(x)=(In x)' :%, Vx € (0;+).
Pinh 1y 1: Néu F(X) 1a mot nguyén ham ctia ham s6 f (X) trén K thi véi mdi hing s6 C,
ham s6 G(x)=F(x)+C ciing la mdt nguyén ham ciia ham s6 f () trén K.
pinh ly 2: Néu F (X) 1a mot nguyén ham coia ham sb f (X) trén K thi moi nguyén ham cia
ham sé f (x) trén K déu c6 dang F (X)+C , v6i C 1a mot hang sb.
> Ki hiéu: j f (x)dx=F(x)+C 1a ho tat c4 cdc nguyén ham ctua ham s6 f () trénK .
» Chiiy: f(x)dx chinh la vi phan ciia nguyén ham F(x) cua f(x) vi
dF (x)=F'(x)dx = f (x)dx.
> VD2:
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a) Véi xeR, IZxdx:x2+C.
b) Véi s (0;+x), J'lds: Ins+C.
S

c)VdoiteR, jcostdt =sint+C.
> VD3: Tinh nguyén ham cta cac ham sb sau:

a) jx“dx : b) j cos xdx ; ¢) I

2. Tinh chat caa nguyén ham
> Tinh chat 1: j f'(x)dx=f (x)+C.
> Tinh chét 2: [k f (x)dx=k] f (x)dx, k I hing s6 khac 0.

> Tinh chat 3: .[[f (x)+ g(x)]dx =j f (x)dxijg (x)dx.
> VD4: Tinh nguyén ham ciia cac ham s6 sau:

a) I(cosx)' dx; b) J.(sz—l]dx.

> VD5: Khang dinh nao day sai?

A. Icosxdx:—sinx+C. B. J'%dx:ln|x|+c.

C. I2xdx=x2+C. D. jexdx=ex+c.

5+2x*
X2

> VD6: Cho ham sé f(x) = . Khi do:
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3
A. jf(x)dx:2x3—§+c. B. jf(x)dx:zi—irc.
X 3 X
3 3
C. J'f(x)dx:zi+§+c. D. J'f(x)dx:zi+5lnx2+c.
3 X 3

3. Sw tén tai nguyén ham
> Pinh ly 3: Moi ham sé f (x) lién tuc trén K déu c6 nguyén ham trén K.
» VDT

6
/ X
a) Ham so f (x)=X° c6 nguyén ham trén cac khoang (—o0;+0) va stdx =5 +C.

2 2 5
b) Ham s6 h(X)=x? ¢6 nguyén ham trén khoang (0;+wx) va Ix3dx :§X3 +C.

c) Ham s6 g(x)= c6 nguyén ham trén khoang (kﬂ;(k +1)7z) keZ

sin? x

1
vz‘lj - dx =—cotx+C.
sin’ x

4. Bang nguyén ham cia mét sé ham sé thwong giap

X

Ide:C J.axdx= a +C(a>0,a#1)
Ina
Idx:x+C .[sinxdx:—cosx+C
x“dx:ixwﬂc(a;é—l) Icosxdx:sinx+C
a+1
1 1
j—dx:ln|x|+C _[ —dx =tanx+C
X cos® X
Iexdx:eX+C _[_12 dx = —cotx+C
sin® x
> VD8: Cho F(x) la mot nguyén ham cua ham sé f (x)=e*+2x théa mén F(O):g.
Tim F(x).
X 2 S X 2 1
A. F(x)=e"+x +§. B. F(x)=2e"+x -5
C F(x):ex+x2+g. D. F(x)=e"+x*+=
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> VD9: Nguyén ham cua f (x):i+i+3 la

x  x
A. 2\/§+33/x_2+3x+C. B. 2&+§%/?+3x+c.
C. %&+3€/x_2+3x+c. D. %&+%3/x—2+3x+c.

II. PHUONG PHAP TINH NGUYEN HAM
1. Phwong phap d6i bién sb
a) binh Iy 1:

Néu If(u)du = F(u)+C va u :u(x) 12 ham s6 c6 dao ham lién tuc thi

_[ f (u(x))u'(x)dx=F (u(x))+C.

b) Hé qua:

Véi u=ax+b(a=0),taco

> J'f(ax+b)dx:§F(ax+b) C.
> j(ax+b)n dx = a(nJrl)(ax+b)”+l+C (n=-1).

>I 1 dx:iln|ax+b|+C.
ax+b a

> J‘e(ax+b)dx :Eeaxm +C.
a

ax+b
(04

> Ioﬁ‘x+”dx=l +C.
a Ina

> jsin(ax+b)dx - —écos(ax+b) C.

> jcos(ax+b)dx:§sin(ax+b) C.

1 1
> - - — .
Ic 2 (ax b)dx tan(ax+b)+C

1 1
———— —dx=——cot b)+C.
Isinz(ax+b) X aCo (ax+b)

> VD10: Tim nguyén ham ciia cic ham s sau:

a) I(ZX—3)7 dx ; b)j3l’zxdx; c)
1 .
I3+ 2X dax;
d) Ie“xdx; e) jsin(Bx—Z)dx f) Icos(3—4x)dx;
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> Cac budc tinh nguyén ham bang phwong phap doi bién s6
Budc 1: Pat t =u(x).
Budc 2: Tinh dt = u’(x)dx.

Bude 3: Bién doi f (x)dx theo t va dt. Tinh nguyén ham méi theo t.

Bude 4: Thay t=u(x) dé dugc két qud theo bién X.

2. Vi du minh hoa
> VD11: Tim nguyén ham cta cac ham s6 sau:

a) | :jx(x+2)2021dx; b) I =
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> VD12: Tim nguyén ham cua cac ham s sau:

X* +2x-3
Q) l=|————
) I X+2

dx.

b) |=Iﬂdx_

X2 =X+2
c) | —jwdx.

> VD13: Tim nguyén ham ctia cac ham s6 sau:

a) I, = | cos®* xsin xdx; b) I, =|cos® xdx; o I = [—BX g
) 1= ) 1= ) L=[3

l+e
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» VD15: Cho ham sé f (x) lién tuc va c6 dao ham trén [0;1] théa man f'(x)= 2xe "0 va
f(0)=0. Tinh f(1).

I11. PHUONG PHAP TUNG PHAN:

1) D4u hiéu: Tim ho nguyén ham .[ f (x)g(x)dx, trong dé f(x) va g(x) lahai trong bon ham

s6 sau 10garit, da thirc, luong giac, ham mii.
2) Cong thurc Judv = uv—jvdu .

3)Chay:
> Thu ty wu tién U nhat 16garit, nhi da, ba mi, t& luong.
> Phan con lai dat dv.

4) Vi du

> VD16: Ho nguyén ham F(x) ciiahamsé f (x)=xcosx la

A. F(x)=xsinx—cosx+C. B. F(x)=—-xsinx—cosx+C.

C. F(x)=xsinx+cosx+C. D. F(x)=-xsinx+cosx+C .

> VD17: Ho nguyén ham F(x) cuahamsé f(x)=xe" la
2 2
A. |l =xe"—e*+C. B.l=xe*+e*+C. C.l=—e"+C D.l=—e"+e"+C
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> VD18: Ho nguyén ham F(x) caa ham sb f(x):l?(—zx la
Inx 1 Inx 1
A. F(X)_T_FJFC' B. F(x)_—7+?+c.
Inx 1 Inx 1
C.F(x)=="+5+C D. F(x)=—= "~ +C.

B. LUYEN TAP

I. Chira bai tdp SGK
Bai 1 trang 100 - SGK: Trong cac cap ham sé duéi day, ham sé nao 1a mot nguyén ham cua
ham con lai?

N . . . 2 2 ) .
a) e va -e7; b) sin2x va sin®x; c) (1_;J e* VA (1_£jex.
X
Bai 2 trang 101 - SGK: Tim nguy&n ham cta c4c ham sé sau:
X+VX+1 2% _q
a) f(x)=——; b) f(x)= : c
L ) (0= )
1

f(x =

(%) sin? x cos? X
d) f(x)=sin5x cos3x; e) f(x)=tan’x; g) f(x)=e% ;

1
h) f(x)=—-F———.
) 1(x) (1+x)(1-2x)
Bai 3 trang 101 — SGK: Sir dung phuong phap ddi bién sd, hay tinh:

a) I(l—x)gdx (dat u=1-x);

3
b) jx(1+ X* )2dx (dat u=1+x);
c) J'cos3 xsin xdx (dat t=cosx);

d) J‘# (dat u :ex+1).
e’ +e" +2

Bai 4 trang 101 — SGK: Str dung phwong phép tinh nguyén ham ting phan, hay tinh:
a) len(1+x)dx; b) '[(x2+2x—1)exdx;
c) Ixsin(2x+1)dx; d)J(l—x)cosxdx.

I1. Bai tap tric nghiém

Caul: [Mirc @9 1] Khang dinh nao sau ddy la khang dinh sai?
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Céu 2:

Cau 3:

Céu 4:

Cau 5:

Cau 6:

Cau7:

Céau 8:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A Tk (x)ax=k[ f(x)dx voi keR.
B. [[ f(x)+g(x)]dx=[ f(x)dx+[g(x)dx véi f(x); g(x) lién tuctrén R.

C. _[x"dx:ilx“+1 VoI a=-1.
a+

D. ([ £ (x)de) = £ (x).

[Mue d§ 1] Tim nguyén ham F I;r dx.

3

A. F(x):%+C. B. F(x)=27x+C.
°x°
C. F(x)=7"x+C. D. F(x)= > +C.

[Mike d 1] Nguy@n ham cua ham sb y = x? —3x+ la
X

3 2 3 2

A. X——?’L—In|x|+C. B. X——3i+i2+c.
3 2 3 2 X
3 2 3

C. XE—?’%an+c. D. X3—3%+In|x|+c.

3 2
[Mire @9 1] Ap dung cong thirc nguyén ham ta cé I(xz —3x+1]dx = %—37+ In|x|+C.
X

Ho nguyén ham caa ham sé f (x) =x +3x¥/x? 1a

3 2 232
A. 2X&+9X\/;+C. B. 5X\/;+27X J;+C.

4 8 3 8

23 232

c. 2ax 9o p, 2k 9N

3 5 3 8
[Mire d9 1] Ho nguyén ham cia ham s6 f(x)=e* +x 1
A. e +x*+C. B. e"+1x?4+C. c. L eslic. D e+ieC.

X+1 2

[Mire d§ 1] Ho tat ca cac nguyén ham ciia ham s f (x)=2x+6 la
A. 2X* +6x+C. B. X’ +6x+C. C. 2x*+C. D. x*+C.
[Mire d9 2] F(x) cua hamsé f(x) =4x*—-3x*+2x—2 thoaman F(1) =9 la:
A F(X)=x"=x*+x*-2. B. F(x) =x*—x*+x*+10.
C. F(x) =x* = x®+x* - 2x. D. F(x) =x* —x*+x* -2x+10.

3

[Mae d§ 2] Tim mot nguyén ham F(x) caa f(X) = X 2_1 biét F(1)=0.

2 2

A. F(x)zx——l+l. B. F(x):x—+l+§.
2 X 2 2 X 2
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Céu 9:

Céau 10:

Céu 11:

Cau 12:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

2 2
C. F(x):%—l—%. D. F(x):%+l—g.
X X

[Mire d9 3] Ham s6 f (x) xéc dinh, lién tyc trén R va c6 dao ham la f'(x)=|x—1]. Biét ring

f(0)=3.Tinh f(2)+f(4)?

A. 10. B. 12. C. 4. D. 11.

[Mire do 2] Tim nguyén ham I—3dx.

X°+3X+2

A. sz;gdx=2In|x+2|—ln|x+l|+C. B. I X+3 dx =2In|x+1|—In|x+2|+C .
X +3x+2 X* +3x+2

C. szidx=2m|x+]4+ln|x+2|+c. D. I x+3 dx = In|x+1/+2In|x+2|+C.
X +3x+2 X? +3x+2

[Mire d9 3] Mot nguyén ham cua ham s f(x) = x/1+x* 1a

3 2
A F(x):%(\/1+x2) . B. F(x):%( 1+x2) .
2 2 2
C. F(x):x?(\/1+x2) . D. F(x):%( 1)
[Mire d§ 3] Tim ho nguyén ham cta ham sé f (x)= X<,
A [T (x)dx=e""+C. B. [ f(x)dx=3¢""+C.
X3 3
C. dx_— XHicC, D. [ f(x)dx="—-e""+C.
J(x Jf(xax="
A e an o T A s s g 1-2sin® x
Caul3. [Mire do 3] Tim nguyén ham caa ham so f(x)=————.
Zsinz(x+”j
4
A. If(x)dx:lnlsinx+cosxl+c. B. I :—Inlsmx+cosxl+C
C. If(x)dx:ln|1+sin2x|+C. D. I dx_—ln|1+sm2x|+C

Cau 13:

Cau 14:

Céu 15:

[Mire dg 2] Tim Iex sin xdx bang dat u=e* va dv =sin xdx. Phat biéu nao sau day la ding?
A. jex sin xdx =e* cosx—'[eX cos x dx . B.J'exsin xdx:—excosx+jexcosxdx.

C.Jexsin xdx =e* cosx+J‘eX cos xdx. D.jeX sin xdx = —e* cosx—jeX cos xdx.

Mire d9 2] Tim mot nguyén ham F(x) cia ham s§ f (x) = xsinx thoa man F 7 1=2022.
[ 0 guy >

A. F(X) = xsin x+cos x + 2022. B. F(x) =sinx—xcos x +2021.
C. F(x) =xsinx—cos x +2022. D. F(x) =—xsin x—cos x + 2020.

[Mire d§ 2] Ho nguyén ham F(x) ciahamsé f (x)=xInx la

Trang 128




Céu 16:

Cau 17:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

2

A. f(x):x—lnx+1x2+C. B. f(x):lenx—1x2+C.

2 4 2

2
C. f(x)zx—lnx—1x2+c. D. f(x):lenx—1x2+C.

2 4 4
[Mirc d 3] Tim ham so f (X), biét rang f’(x):i va f(szzozz.

) 1-cos2x 2

A. f(x)=xtanx—In|sinx|+2020. B. f(x)=xcotx+In|sinx|+2022.
C. f(x)=-xcotx—In|sinx|+2021. D. f(x)=-xcotx+In|sinx|+2022.

[Mire d 3] Cho F(x) la mot nguyén ham cua ham s6 f (x)=(5x+1)e* va F(0)=3.
Tinh F(L).
A.F(1)=1le-3.  B.F(l)=e+3. C.F(l)=e+7. D. F(1)=e+2.

C.BAI TAP TU LUYEN

Céau 18:

Céu 19:

Céau 20:

Céu 21:

Cau 22:

Cau 23:

Céau 24:

[Mire @9 1] Ho nguyén ham caa ham sé f (x)=x° 1a

A. 4x*+C. B. 3x*+C. C. x*+C. D. =x*+C.
[Mire d§ 1] Ho nguyén ham cua ham sé f (x)=cosx+6x la

A. sinx+3x*+C. B. —sinx+3x’+C. C.sinx+6x*+C. D. —sinx+C.
[Mire d9 1] Nguyén ham caa hams6 f (x)=x>+x la

A.%x4+%x2+c. B. 3x*+1+C. C. X*+x+C. D. x*+x*+C.

[Mire d§ 1] Ho tat ca cac nguyén ham ciia ham s f (x)=2x+3 Ia

A. x*+3x+C. B. 2x* +3x+C. C. xX*+C. D. 2x* +C.
[Mire dd 1] Tim nguyén ham caia ham s6 f(x):x2+%.
3 3
A. If(x)dx:%+%+c. B. If(x)dx:%—§+c.
3 3
C. If(x)dx:%—%+c. D. jf(x)dx:%+§+c.
[Mire dd 1] Tim nguyén ham caa ham s6 f(x)=5x1 5
A [-2 _Linsx-2+c. 8. [- % —insx-2+C.
5x-2 5 5x—2
dx 1 dx
C. | =—ZIn[5x-2|+C. D. | =5In|5x-2/+C.
5x—-2 2 5x—-2

X

[Mire d§ 1] Tim nguyén ham ciia ham s f (x)=7".
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Cau 25:

Céu 26:

Cau 27:

Cau 28:

Cau 29:

Céu 30:

Céu 31:

Céau 32:

Cau 33:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

X 7x+1

+C. B. j?de=7X+1+c. C. j?XdXZ

A. j?de=I7 +C. D. j?de=7X|n7+C.

n’7 X+1

[Mike dd 1] Ho nguy@n ham ctia ham s f (x) =e* 1a ham s6 nao sau day?

A. 3" +C. B. %e3X+C. C. %euc. D. 3e* +C.
[Mire dd 1] Nguyén ham cua ham sé y =e** 1
A. 22+ C. B. e?*+C. C. %e2“+c. D. %ex+c.

[Mike dd 2] Ho nguy@n ham cua ham s y =e* (2+ € j la

cos® X
A. 2e" +tanx+C. B. 2¢* —tanx+C. C. 2eX—L+C. D. 2ex+i+c.
COS X COS X

[Mike dd 2] Ho tat ca cac nguyén ham caa ham s f (x) = ))((Li trén khoang (1 +) la

A. x+3In(x-1)+C.  B. x-3In(x-1)+C. C. x— 3 -+C.  D.x+ 3 ~+C.
(x-1) (x-1)

[Mire d§ 2] Cho F(x) la mot nguyén ham cia f(x):ﬁ trén khoang (1;+o0) thoa mén

F(e+1)=4.Tim F(x).

A. 2In(x-1)+2. B. In(x—1)+3. C. 4In(x-1). D. In(x-1)-3.

[Mire @ 2] Cho F (x) 1a mot nguyén ham cua hamsé f (x) =e* +2x thoamén F(0) = % Tim

F(x).
X 2 1 X 2 5
A. F(x)=¢e"+x +§. B. F(x)=e"+x +E'
X 2 3 X 2 1
C. F(x)=e*+x +§. D. F(x)=2e"+x -5

[Mire d§ 2] Tim nguyén ham F (x) cuahamsé f (x)=sinx+cosx thoa mén F (%) =2.

A. F(x)=—cosx+sinx+3. B. F(x)=—cosx+sinx—1.

C. F(x)=—cosx+sinx+1. D. F(x)=cosx—sinx+3.

[Mire d§ 2] Biét F(x)=e*+x* 1amot nguyén ham cua ham so f (x) trén R

Khi do [ f(2x)dx bing
A. 2¢* +2x* +C. B. %ezx+x2+C. C. %e“+2x2+c. D. e* +4x*+C.

2,x%+1

[Mire @9 3] Tim ho nguyén ham cta ham sé f (x)=x’e
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Céu 34:

Céu 35:

Céau 36:

Céau 37:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
A. j(—tf’ +2t7 —}j dt=1t_t?_In t|+C.

t 4
B. [ f(x)dx=3""+C.

C. I f (x)dx:%exs”JrC.

[Mue do 3] Khi tinh nguyén ham I X_31 dx, bang cach dit u=+/x+1 ta dugc nguyén ham
X+

e

A. j2(u2—4)du. B. j(u2—4)du. C. J(u2—3)du. D. qu(u2—4)du.

[Mire d§ 3] Biét F(x) 1a mot nguyén ham caa ham so f (x)=sin®x cosx va F(0)=r.

Tinh F[Zj.
2
T T T 1 T 1
A F|l=|=-x. B.F| = |=rx. C.Fl=|=—=+7n. D.F|=|==+rx.
(2) (ZJ LZJ 4 (ZJ 4

[Mire @9 3] Cho ham s6 f(x) lién tuc trén R. Biét cos2x la mot nguyén ham cua ham s6
f (x)e*. Ho tat ca c4c nguyén ham cua ham s6 f'(x)e” 1a

A. —sin2x+cos2x+C . B. —2sin2x+cos2x+C..

C. —2sin2x—cos2x+C. D. 2sin2x—cos2x+C.

[Mire d§ 3] Ho céc nguyén ham cua ham s6 f (x)=xsinx la
A. F(x):xcosx+sinx+C. B. F(x):xcosx—sinx+C.

C. F(x)=—xcosx—sinx+C. D. F(x)=-xcosx+sinx+C.
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GIAI TICH 12 - CHUONG 2
§2. TICH PHAN

A. PHAN KIEN THU'C CHINH
I. DIEN TICH HINH THANG CONG
1. Pinh nghia

> Pinh nghia: Cho ham s6 y = f (X) lién tuc, khong ddi dau trén doan [a ; b] . Hinh phing
gidi han boi do thi cia ham sé y = f(x), truc Ox va hai dudong thang x=a, x=b dugc goi la
hinh thang cong.

» Dién tich hinh thang cong:

Giasu F (X) la mdt nguyén ham cta f (X) Bang cach chia nhé phan hinh phang can tinh
dién tich ra thanh cac hinh chit nhat, nguoi ta ching minh dugce dién tich cia hinh thang cong
can tim 1a F(b)-F(a).

I1. PINH NGHIA TiCH PHAN
1. Dinh nghia: Cho f (x) la ham s lién tuc trén [a;b]. Gid su F(x) 1a mot nguyén ham cua

f (x) trén doan [a;b]. Hiéusé F(b)—F (a) dugc goi latich phan tir a dén b (hay goi la tich

b
phan xac dinh trén doan [a;b] ciia ham sé f (X)) Ki hiéu la If (X)dX .

2. Tén goi:

b
> | 1a ddu tich phan, a 1a can dui, b 1a can trén.
a

> f(x)dx goila biéu thire dudi dau tich phan.
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> f(x)1a ham s6 dudi dau tich phan.
3.Chuy:

> Néu a=b thi _[f x)dx =

b
» Néu a>b thi J.f (x)dx

> Tich phan khong phu thudc vao bién sd: jbf (X)

b
> Y nghia hinh hoc cua tich phan: S = ch (x)dx

V6i S 1a dién tich cta hinh thang cong gii han boi do thi cua y = f (X) truc Ox va hai duong

thang x=a, x=b (f (x)1a ham s lién tuc va ly gia tri duong trén doan [a; b] ).
I11. TINH CHAT

1. Tinh chat 1: J‘k f dX kJ.f dX (v6i k 1a hang sd).

2. Tinh chét 2: Jg[f(x)i = (x)dxiig(x)dx

b
3. Tinh chat 3: jf (x)dx dx+_[f x)dx (véi a<c<b).

4. Vidu
» VDL1: Tinh céc tich phan sau:

a) | =T(x3—§+exjdx; b) J:I(x2+3\/§)dx
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» VD2: Cho ham s6 y=f(x) c6 dao ham f'(x) lién tyc trén R bict f(1)=12 va

jjf "(x)dx =17 . Tinh gié trj cia f (4).

2 5 5
» VD3: Cho [ f(x)dx=-3, [f(x)dx=5va [g(x)dx=6.
1 2 1
5
Tinh tich phan | :I[Zf( )—BQ(X)]dX
1

B. LUYEN TAP
|. Chita bai tap SGK
I1. Bai tap trac nghiém
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Céau 5:

Céu 6:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

1 3
[Mire d9 1] Cho ham s6 f (x) lién tuc trén R vacd [ f(x)dx=2; [ f(x)dx=6.
0 1

3
Tinh 1 = [ f (x)dx.
0

A. 1=8. B. I =12. C.1=36. D. 1 =4.
[Mirc d§ 1] Cho ham s6 f (x) c6 dao ham lién tuc trén doan [1;3] va thoa man f(1)=2 va

3
f(3)=9.Tinh I =] f'(x)dx.
1
A 1=11. B.1=7. C.l1=2. D. 1=18.
2 14 2
[Mirc @9 2] Dat | = [(2mx+1)dx (m 1 tham sé thyc). Tim m dé | =4.
1

A. m=-1. B. m=-2. C. m=1. D. m=2.

[Mire @9 3] Cho | (x—1+sin2x)dx = ﬂ'(z—%j—kl, v6i a,b 1a cac sé nguyén duong.

a

o N

Tinh a+ 2b.

A. 10. B. 14. C.12. D. 8.

1
. 2Xx+3
[Mire d§ 2] Biét tich phan [ ;

0

dx=aln2+b (a, beZ). Gia tri ciia a bang

A. 7. B. 2. C. 3. D.1.

2
2x-1

va

[Mire d§ 3] Cho ham s6 f(x) xdc dinh trén R\{%} théa man f'(x)=
f(0)=1 f (1)=-2. Gid tri ciia biéu the f (-1)+ f(3) bang

A. 2+In15. B. 3—-In15. C. In15-1. D. In15.

C.BAI TAP TU LUYEN

Cau 7:

2 2 2
Cho jf(x)dx:3 va I[3f (x)—g(x)]dx=10. Khi do J'g(x)dx bang
1 1 1

A 17. B. 1. C. -1 D. 4.
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Cau8: Giasr f laham sb lién tuc trén khoang K va a, b, ¢ 1a ba sé bat ky trén khoang K . Khing
dinh nao sau day sai?

A I x)dx =1. B. if(x)dx:—jf(x)dx
C. jf dx+j =Tf(x)dx, ce(ab). D. Tf(x)dx:if(t)dt

0
Cau9: Giatricia [e*dx bing
A l-e. B.e-1. C. —e. D.e.

Cau 10: Chohamsé f(x) c6 dao ham trén doan [13], f(3)=5va _[f x)dx=6.Khido f (1) bing

A. -1. B. 11. C. 1 D. 10.
A ok N T 875
Cau 11: Tim so6 thuc a <0 thoa man _[(x —6x)dx:—.
1
A . a=-4. B. a=-5. C.a=-6. D. a=-3.

Cau 12: Cho I(3x2 —2X +1)dx =6. Gia tri cua tham s m thuoc khoang nao sau day?

0

A (-12). B. (—¢;0). C. (0;4). D. (-3:1).
¢ 2x%+3x :
Cau 13: Cho jz—dx:a+bln2+cln3, Véi a, b, ¢ 1a cac s6 nguyén. Tong a+b+c bang
o X7 +3X+2
A. 3. B. 1. C. -1. D. 2.

Cau 14: Chohamsé y = f(x) lién tuc trén doan [-1;3] théa man I x)dx=2 va J' x)dx=4. Tinh

if(|x|)dx

A. 6. B. 4. C.8. D. 2.

Cau 15: Biét i[f (x)+x]dx=6 va j[Sf (x)—g(x)]dx=10 . Tinh | :.2[[2f (x)+3g(x)]dx .

A |l =12. B. 1 =16. C. 1 =10. D. 1 =14.
2 _4sin X+7C0S X

A s b .. N o
Cau 16: Bictrang | = - dx=a+2In— véi a>0; b, ce N'; = toi gian. Hay tinh gia tri
o 2SIN X+3C0S X c c

biéu thitc P=a—b+c.

A -1 T, C.

e
[N
NN
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GIAI TICH 12 - CHUONG 3
§2. TICH PHAN

A. PHAN KIEN THU'C CHINH

I1I. CAC PHUONG PHAP TINH TiCH PHAN
1. Phwong phap déi bién sé
1.1. Pinh Iy

> Pinh 1y: Cho ham s6 f(x) lién tyc trén doan [a;b]. Gia str ham s x =g (t) c6 dao ham

lién tyc trén doan [a; 8] sao cho p(a)=a, ¢(f)=b va a<ge(t)<b voimoi te[a;f].

Khi dé T f (x)dx =T f(o(t))e'(t)dt.

» Chly: Chiy néu B <a thitaxét Bl

1.2. Vi du

1
d
» VD1: Tinh tich phan sau: | :.[ > X )
o X°+3

> Chu y: Trong nhiéu trudng hop ta con sit dung phép doi bién sé & dang sau: Cho ham sd

b
f(x) lién tyc trén doan[a;b]. Dé tinh I f (x)dx, déi khi ta chon ham sé t=u (x) lam bién s

mdi, trong d6 trén doan [a;b], u(x) c6 dao ham lién tuc va u(x)ele; A]. Gia st ¢6 thé viét

f(x)=g(u(x))u'(x) véi g(u) lién tuc trén doan [a; f].

» Phuong phap: Tinh j‘g(u(x))u '(x)dx vei f(x)=g(u(x))u'(x).

Buée 1: Bién doi dé chon phép dat t=u(x)=>dt=u'(x)dx.
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x=b—>t=u(b i .
( ) (Ghi nh¢: doi bién phai doi can).

Budre 2: Ddi can:
{x =a—>t=u(a)

u(b ~
' (t)dt don gian hon va d tinh toan.

u(a)

Buéc 3: Pua vé dang | = J

ta

2
» VD2: Tinh tich phan sau: | = J-Sin2 X C0os xdx .
0

[

» VDA4: Tinh tich phan sau: | =

j\/SIn X+1 dx
X
1

B. LUYEN TAP
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Cau 1:

Céu 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

2
[Mire d§ 2] Cho | = [€™™ cos xdx va sin x =t. Ménh dé nao dusi day diing?
0

3 3 L ,
Al =[edt B. | =[dt. C. I =—[edt D. | =[edt
0 0 0 0
¢ dx
[Mire @9 3] Gi tri cta tich phan | = j 7 bine
X
0
Al=Z. B. 1=, c. 1=2. p. 1=%
2 4 4 4
> Phwong phap giai nhanh tric nghiém
1
dx
Sir dung may tinh tinh | = [——~0,79.
1+Xx

0

Str dung may tinh tinh bam cac dap 4n, dap an nao cho két qua gan bang 0,79 thi chon.

x3dx

Niz

. £ L A KA. ., a X

[Mtre do 2] Gia tri cua | = J. ; = duogc viet dudi dang phan so toi gian b (a, b lacac so
o V1+X

nguyén duong). Khi d6 gia tri cia a—7b bang

A. 0. B. 1. C. 2. D. 1.
F 1
Mire dd 3] Gia st tichphan | = | ——dx=a+bIn3+cIn5. Lac dé
[ 23] P !1+\/3x+1
A.a+b+c:ﬂ. B. a+b+c:§. C.a+b+c:z. D.a+b+c:§.
3 3 3 3

1
[Mire @ 2] Tinh tich phan | = [x(L+x)" dx.

0

A2 B -2, c. 2 D. 2,
10 10 10 10
Phwong phap giii nhanh tric nghiém
I 4 31
Sir dung may tinh tinh | x(1+x*) dx===.
g iy o i [ (1) 0=
4 WX
/. A 7 r A1 A ’ A e 5 \
[Mire dg 2] Voi phép doi bien u = Jx, tich phan '[ X dx tré thanh
X
1
4 2 16 1 2
A. ZIe“du. B. ZIe“du. C. 2J'e”du. D. —J'e“du.
1 1 1 2 1
Phuong phap giai nhanh tric nghi¢m
4 WX
Str dung may tinh tinh dx=9,34.
s

Str dung may tinh tinh cac tich phan trong cac dap an, dap an nao cho két qua ~ 9,34 chon.

3inx+1
X

[Mike @9 2] Cho tich phan 1= dx. Néudit t=1Inx thi
1
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1 e
Al = j3t+1dt. B 1= [ C. |I=
e' t

(3t+1)dt. D. I=|(3t+1)dt

H'—.(‘D
O'—.H

0
Phwong phap giai nhanh tric nghiém

Str dung méy tinh tinh | :j3'” X+1dx=g.
X

1

. . 5
Str dung may tinh tinh cac tich phan trong cac dap an, két qua bang > thi ta chon dap an do.

3 12
Cau8: [Mikc dd 2] Cho biét j f (x)dx =8. Tinh tich phan | = j f [%)dx
1 4

A. | =12 B. 1 =2 C. 1 =32 D. 1 =3.
Al G- n T e o . ¢ X2 +2Inx
Céau9: [Mirc d¢ 3] Tinh tich phan I:I—dx.
X
1
2 2
A= B. | =e?+1. Col=e-1. p. 1=
2 2 2

Inm
d
Cau10: [Mircd) 3] Cho | ——
e"+2

0

=In2. Khi d6 gia tri cia m 1a

A. m=4. B. m=2.m=4. C. m=2. D.ng.

C.BAI TAP TU LUYEN

2

p A X :

Céu 11: [Mire d§ 2] Tich phan sz +3dx bang
0

A EIogz. B. Inz. C. llni D. 1Inz.
2 3 3 2 7 2 3

242
Cau 12: [Mire d§ 2] Cho tich phan | = |

X3
0o vV X2 +1

dx, néu @it u=x*+1 thi tich phan di cho trd thanh

9 9 9. 242
A |:j“—+1du [ C.l:j“—ldu. j“—l
2 24u 1 L 2u 2 24U
3 2
Cau 13: [Mire dd 2] Cho tich phan | = j ﬁdx néu dat t=+/x+1 thi I = [ f(t)dt trong d6
1
A f(t)=2t>+2t. B. f(t)=t"-t. C. f(t)=2t>-2t. D. f(t)=t*+t.

V4 /4

2 2
Cau 14: [Mirc dd 2] Xét Isin 2xe™ *dx, néu dat u=sin®x thi '[sin 2xe”™" * dx bang
0 0

A. j'e“du. B. je“du. C. —je“du. D. Zje“du.
0 0 0 0

3
Cau 15: [Mire d 3] Biét I X dx:% véi a,beN va % Ia phén s téi gian. Tinh S =a®+b?.

o VX+1
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A. S=T73. B. S=71. C. S=65. D. S=68.
2
Cau 16: [Mire d9 2] Cho j X)dx=12. Tinh | = [ f (3x)dx.
0

A. |l =6. B. 1=36. C.l=2. D. 1=4.

2
Cau 17: [Mirc d9 2] Cho hamsé y = f (x) liéntuc trén R . Biét I x)dx = 2020.
1

1
Tinh | :jf(x2+1)xdx
0
A. 2020. B. 4040. C. 1010. D. 505.

Cau 18: [Mikc d 3] B.etj x)dx =18. Tinh| —jx[2+f(3x —1)]dx.

A. 1=10. B. 1=5. C.1=7. D. I =8.
Vay | =4+3=7.

Cau 19: [Mirc d9 3] Chohamsé y = f (x) liéntuctrén R va j X)dx=6.

1

V4

2
Giatricua | = Icosx f (2sinx+1)dx bang

A 3. B.12. C.6. D. 4.
3 . _
Cau20: [Mirc dd 4] Chohams f(x)=] —r+&X Kb x>-=2
4—3x khi x<-2

0
Tich phan I f (—1+2sin2x)cos2xdx bing

4

Al B. -1 c. i p. -1
8 8
tx+ f (Vx)
Cau 21: [Mirc d 3] Tinh tich phan | = j dx biét ring j x)dx=2.
 Wx
A l=7. B. 1 =5. C. 1=8. D. 1=9.
Cau 22: [Mire d6 3] Bietj —Inx véi a,beZ. Tinh T =2a+b?,
1 (x+Inx)’ T ae+h
A T=1. B.T=4. C.T=2. D.T=3.
, (V)
Céu23: [Mic d9 2] Cho ham so y=f(x) lién tuc trén R thoa man j 7x dx=4 va
X
1

O'—.N‘N

3
f (sinx)cosxdx = 2. Tich phan | :I f (x)dx bang
0
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A l=2. B. 1 =6. C.1=4. D. 1 =10.
i ] i ) ) A 2 (X n 2)2017
Céau 24: [Mirc d9 4] Tinh tich phan | = dex.
1
32018 _ 22018 32018 _ 22018 32017 22018 32021 _ 22021
_—. B. ———. : - : L —
2018 4036 4037 2017 4040

Cau 25: [Mirc d 3] Tich phan [(4cos2x+3sin2x)In(cosx+2sinx)dx=aln 2—% voi a, b, ceN va

O o | N

b . . . .
— la phan s6 toi gian. Tinh S =a® +b*+c?.
c
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GIAI TICH 12 - CHUONG 3
§2. TICH PHAN

A. PHAN KIEN THU'C CHINH

I11. PHUONG PHAP TiINH TiCH PHAN
1. Phwong phap tinh tich phén tirng phan:
> VD MO PAU:

Cong thac Iudv:uv—jvdu . Tinh j.udv=?

b b
Loi giai: J‘udv:uvr:1 —'[vdu .

> Pinh ly: Néu u=u(x), v=v(X) la hai ham s6 c6 dao ham lién tuc trén doan [a;b] thi

j.u(x)v’(x)dx = u(x)v(x)t1 —_Tu’(x)v(x)dx hay jb‘udv :uv|l:1 —j'vdu .

a a

» Phwong phap:
Buéc 1: Chon dat u va dv thich hop.
Buwée 2: Tim du va v.

Buére 3: Str dung cong thirc tich phan timg phan.
b
Buéc 4: Tinh tich phan [udv don gin hon.

> Chii y: Dau hiéu sir dung tich phan

Dang tich phan

b b
IP(x)sinxdx jP(x)cosxdx

a

P(x) P(x)
sin xdx €os x dx
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2.Vidu:
> VD1: Tinh tich phan | = J.x Inxdx .
1

Loi giai

B. BAl TAP TRAC NGHIEM

1
Caul. [Mikc dé 1] Tinh tich phan | = J.(x +1) e™ dx.

0
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Cau 2.

Cau 3.

Cau 4.

Caub.

Céu 6.

Céau 1.

Cau 2.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

2 2
3e 1. C. 1= 3e 3.
4 4
r 1 r
[Mire do 2] Két qua tich phan | = J(2x+3)exdx dugc viet dudi dang | =ae+b véi a, b 1a cac
0

A. | =¢€% B. I = D. | =5e*-3.

s6 hiru ti. Tim khing dinh ding.

A. ab=3. B. a®+b*=28. C. a-b=2. D. a+2b=1.
4 a cr’ a ¢ . 2

[Mirc d$ 3] Biét I 1+sin2x)d B+T véi o' g la phan so t0i gian. Tinh a+b+c+d .
0

A. 12. B. 14. C. 36. D. 38.

4
[Mire dd 2] Biét | = jx In(x* +9)dx=aln5+bIn3+c trong d6 a, b, ¢ 1a céc s thyc. Gié trj cita

biéu thirc T =a+b+c.
A. T =11. B.T=9. C.T =10. D. T =8.

1 5
[Mire d9 3] Biét f (5)=1va [x f (5x)dx=1. Khi dé gia tri cia [x" f'(x)dx bing
0 0

A.15. B. 23. C. —25. p. 1%

)
g 1 a C ., ..a C .\ . 1oz ..
[Mikc d9 3] Bletj X+= InXdX:B+Ee VO'IB, 3 la phén s6 toi gian. Tinh a+b+c+d .
X
1
A.12. B. 14. C. 16. D. 18.

C.BAI TAP TU LUYEN

T

4
[Mirc @ 1] Tinh tich phén | = J.x cos2xdx ta duoc két qua:
0

AL B. Z. c. Z. D. 2.
8 4 2 3
2
[Mire d9 1] Tinh tich phan I = j x? cos 2xdx biing céch dat 1 . Ménh d& no dudi
dv =cos2xdx

day dung?
A.I:1 2 —jxsiandx. B.I:1 2si

2 ) 2
C.1=3si D. I =2xsi 5+ [ xsin2xdx.

2 2 )
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Céau 3.

Cau 4.

Céau 5.

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
r r l
[Mtrc d 2] Cho ham s6 f (X) c6 dao ham lién tuc trén R. Bict f(4)=1 va IX f (4x)dx=1.
0
4
Tinh tich phan IXZ f (X) dx.
0
A. 16. B. -16. C. 8. D. -8.

[Mike dd 2] Biét

O~ |y

(1+x)cos 2xdx :§+% (a, b 1a cac sé nguyén khac 0). Tinh gia tri ab.

A. ab=32. B.ab=2. C.ab=4. D. ab=12.

7[2

4
[Mirc d9 3] Tinh tich phan | = [cosy/x dx.
0

A l=r-2. B.l=x+2. C.l=-r-2. D.l=—x+2.
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GIAI TICH 12 - CHUONG 3
§2. TICH PHAN

A. PHAN KIEN THUC CHINH
I. PINH NGHIA

b

[ (x)dx= F(x)| =F(b)-F(a).

a

I1. TINH CHAT

1. Tinh chat 1; jkf X)dx = kjf )dx (voi k 1 hang s6).

2. Tinh chat 2: T[f(x) (x) Jdx= jf dx+f9

b b
3. Tinh chit 3: jf(x)dx: (x)dx+Jf(x)dx (a<c<b).

I11. PHUONG PHAP DOI BIEN SO

> Céng thirc: j‘[f (u(x))]u'(x)dx: Flu(x) Z =F[u(b)]-F[u(a)].

» Phwong phap:

Buéc 1: Bién doi dé chon phép dat t =u(x)= dt =u’(x)dx.

x=b—>t=u(b)

x=a—>t=u(a)
u(b)

Buée 3: Dua vé dang | = I f (t)dt don gian d tinh toan.
u(a)

IV. PHUONG PHAP TiCH PHAN TUNG PHAN

Buére 2: Doi can: { (d6i bién phai ddi can).

> Cong thirc: '[u "(x)dx =u(x)v(x)

hay Ju dv=uv|:1 —Ivdu .(2)

» Phwong phap
Bude 1: Chon dat u va dv thich hgp (u=log,u = da thirc).
Buérc 2: St dung cong thirc tinh tich phan timg phan.

b
Buwée 3: Tinh tich phan J.v du don gian hon.

B. LUYEN TAP
I. Chira bai tap SGK
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Bai 3 trang 113 - SGK: Sir dung phuong phap dbi bién sd, hiy tinh:

a) I=Jl‘\/1—x2 dx; b) I:j'ex(“x)dx.

X
o l+xe

Bai 4 trang 113 — SGK: Str dung phuong phép tinh tich phéan tirng phan, hiy tinh:

T

2 e
a) | :J.(x+1)sin xdx : b) | :szln xdx
1

0

c) I :jln(1+x)dx; d) I :j(XZ—ZX—l)e_X dx.

0
I1. Bai tap tric nghiém

"2 dx bIn7+clIn10
at———

Caul: [Mic dé 2] Cho |:j véia, b, ceZ.

) 243 3
Tinh gia tri cia K =2a+3b+4c.
A. K=3. B. K=7. C. K=1. D. K=-1.

1
Cau2:  [Mirc g 3] Cho ham sé f(x) thoaman [(x+1) f'(x)dx=10 va 2f (1)-f(0)=2.

0
1
Tinh | =If (x)dx.
0

A. -12. B. 8. C. 1 D. -8.

2
Cau3: [Mirc dd 3] Cho hamso f(x) lién tuc trén R va f(2)=16, '[f (x)dx=4.

0
1
Tinh | = J'x f'(2x)dx.
0
A. 7. B. 12. C. 20. D. 13.

2
Cau4: [Mirc d§ 4] Cho hamsé f(x) lién tuc trén R théaman f(4)=5 va Ixzf (2x)dx =10. Gia trj
0

cua tich phan j:xsf '(x)dx bang
A. 80. B. 70. C. 60. D. 90.

Cau’5: [Mirc dd 3] Cho f(x) lién tyc thoa f(1)=1va

O ey

2
f(x)dx=%. Tinh | = [ sin2x f *(sinx)dx.
0

A.I=ﬂ. B.I=z. C.I=l. D.I=—g.
3 3 3 3

1
Cau6: [Mirc dd 4] Cho ham sé f (x) théa man Ixzf "(x)dx =12 va 2f (1)- f'(1)=-2.
0
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Cau 7:

Céu 1:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

1
Tinh | = [ f (x)dx.
0
A.6. B. 5. C.7. D. 8.

(x+1) khi x>0

[Mirc d9 3] Cho ham s6 f (x)= _
x> +x+1 khix<0

1
. Biét J.f(x)dx:§+ce v — laphan
L b b

sO thi gian. Gia tri ciia tong a+b+c bang

A. 9. B. 11. C. 12. D. 14.
C.BAI TAP TU LUYEN
1
[Mire dd 1] Cho I x)dx =3. Tinh tich phan | = J[Zf (x)—1]dx.
-2
A. -9, B. -3. C. 3. D. 5.

Céu 2:

Céu 3:

Cau 4:

Céau 5:

No
[Mire @9 2] Biét j XA/ X% +1dx = %(a— JB) ,VGi a, b 1a céc s6 nguyén duong. Ménh dé nao sau
1

day dung?
A. a=2b. B. a<b. C.a=b. D. a=3b.

[Mire dd 2] Biét rang tich phan j(2x+1)exdx =a-+be. Tich ab bing

Al B. -1. O C. -15. D. 20.

[Mire d9 3] Cho ham sé f(x) va g(x) lién tuc, c6 dao ham trén R va thoa mén

f'(0) f'(2)=0 va g(x) f'(x)=x(x—2)e*. Tinh gia trj cua tich phan | if X)dx ?
-

A. —4. B.e-2. C. 4. D. e.

N\N

[Mirc do 4] Choj 2x+1 dx =12 vaJ. sm X 5|n2xdx 3. Tmh_[

A. 26. B. 22. C.27. D. 15.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

GIAI TICH 11 - CHUONG 3
§5. UNG DUNG TiCH PHAN
A. PHAN KIEN THU'C CHINH
I. TINH DIEN TiCH HINH PHANG
1. Hinh phang giéi han béi 1 dwong cong va truc hoanh.

Dién tich hinh phang gisi han béi d6 thi ham sé y = f (x) lién tuc trén doan [a;b], truc hoanh

b
vi hai duwong thing X=a, x=b duoc xac dinh S=j|f(x)|dx.

X—2

Vi du 2: Tinh dién tich cia hinh phang gisi han bsi d6 thi ham s6 y = f (x) =———, truc hoanh va cac

duong thang x=-1; x=0.
Loi giai
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
Chay:

> Néu d& bai chua cho X=2a, x=Db (can tich phan) thi ta can giai phuong trinh hoanh d6 giao
diém f (x)=0 dé tim can tich phan.

b b
> Néu f (x) khong doi dau trén [a;b] thi S = [| f (x)[dx=|[ f (x)dx].

> Phuong phap tric nghiém:

+ Xéc dinh cac yéu t6 can thiét nhu cong thic y = f (x), y=0, X=a, x=b.

b
+Khidé S =[] f(x)]dx.

+ Str dung chte nang tinh tich phan c6 sdn trong may tinh Casio dé tinh.

2. Hinh phing giéi han béi 2 dwang cong.
Dién tich hinh phang gi¢i han béi d6 thi ham s6 y = f (x), y=g(X) lién tuc trén doan [a;b]

b
va hai duong thang X=a, x=b duoc xac dinh S :j| f(x)—g(x)|dx.

Vi du 2. Tinh dién tich caa hinh phang gigi han boi do thi ham sé y =x.Inx, y =X va hai duong thang
x=1, X=¢e.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Chay:

> Hoanh d6 giao diém cua hai do thi ham sé chinh 1a nghiém cua phuong trinh hoanh d¢ giao
diém cua hai ham s do.

> Néu dé bai chua cho X=2a, x=b (can tich phan) thi ta can giai phuong trinh hoanh d¢ giao
diem f (x)=g(x) de tim can tich phan.

B. LUYEN TAP
. Chira bai tap SGK

Bai 1 trang 123 — SGK. Tinh dién tich hinh phang giéi han bai duong:
a) y=x°, y=x+2. b) y=|Inx, y=1

Bai 2 trang 123 — SGK. Tinh dién tich hinh phang giéi han boi dudong cong y = x> +1; tiép tuyén cua
dudng nay tai diém M (2;5) vatrucOy .

3
:(X——sz +4XJ
3

I1. Bai tap trac nghiém

2

0

Caul: [Mirc dd 1] Cho hamsd y=f (X) xac dinh, lién tuc trén [a; b]. Dién tich hinh phang gi¢i han

boi do thi ham s y = f (X) duong thang x = a;x =bva truc Ox dugc tinh boi cong thirc:

A.S=j‘f(x)dx. B.S:hf(x)‘dx. C.S:_Zf(x)dx D.S:i‘f(x)‘dx.

Cau2: [Mirc @9 2] Cho ham sé f (x) lién tuc trén R. Goi S la dién tich hinh phang gisi han béi cac
duong y=f(x), y=0; x=-1 va x=2 (nhu hinh v& bén).
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Céu 3:

Cau 4:

Cau 5:

Cau 6:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A

y
y=f(x)

-1
/ o 1% x

Ménh dé nao dudi day dung?

A. S_—j (x)dx— j (x)dx. B.Sz—:ll'lf(x)dx{‘f(x)dx.
C. S::[lf(x)dx—_[f(x)dx. D. S:j'lf(x)dx+'j[f(x)dx.

[Mire dd 2] Dién tich S cua hinh phang gigi han boi cac duong y = x*; y=3x—2 duoc tinh
theo cbng thuic

A. S=j(x2—3x+2)dx. B.S= j(x —3x+2)d
1
C.S= J%(x —3x+2) dx . D. S=nf(x2—3x+2)zdx.
1 1

[Mike dd 1] Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo cong thic
nao?

&N
] +
Q s
QN [
e h
VL
3 3
A j(x ~3x)dx. B. j(—x2+3x)dx.
0 0
C. Js‘(x —4x+2 dx — i -x+2)d D. _3[( X+2) dx+j x —4x+2)d
0 0 0

[Mire @9 1] Dién tich hinh phang duoc gigi han boi d6 thi ham sé y =x*, truc hoanh va hai
duong thang x=-1, x=3 la:

A. E (dvdt). B. % (dvdt). C. & (dvdt). D. é (dvdt)

[Mire @ 1] Dién tich hinh phing giGi han boi db thi cia ham sé f(x) = X—_l truc hoanh, hai
X

duong thang x=1 va x=2 Ia.
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Cau 7:

Cau 8:

Céau 9:

Céau 10:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. In2. B.In2-1. C.In2+1. D.1-In2.

[Mire dd 2] Dién tich hinh phang gidi han boi cac duong y=x>—x, y=0, x=0 va x =2 duoc

tinh bai céng thuec:
1

(% —x)dx—j(x2 —xJdx.

0

A. jz'(x—xz)dx. B.
0

C. j;(xz —x)dXJri(x2 —x)dx.

[Mire d 2] Cho dd thi ham s y = f (X) trén doan [-2; 2] nhu hinh v& & bén va c6 dién tich

D.

O e P — N

(xz—x)dx.

22 76 f
S, =S, =—,S,=—"_.Tinhtichphan | = f (x)dx
=S, = S=r p I (x)
| ||
l ™,
|| llI.""{/ 1\'l.'|I II
II / \"'. |I
__,III . |I|'|II (Sa;lﬁll . III "
I|\(31)||"f I".(Sx,:llll
| 4 v
A.Izg. B. 1=8. C.I:Q. D.I:—§.
15 5 15

[Mire @ 2] Dién tich phan hinh phang gach chéo trong hinh vé bén dugc tinh theo cong thirc
nao?

1 0 1
A. J‘(x3 +X* = 2x)dx. B. J‘(x3 + X —2x)dx—.|.(x3 +X° = 2x)dx.
-2 -2 0
1 0 1
C. j(—x3 —X* +2x)dx. D. J'(x3 +X° —2x)dx+_[(x3 +X° = 2x)dx.
-2 -2 0
[Mie d9 3] Cho hinh thang cong (H) gi6i han béi cac duong y=e*, y=0, x=0, x=In4.
buong thang x =k chia (H) thanh hai phan c6 dién tich 1a S, va S, nhu hinh v& bén. Tim k

aé S, =28,.
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

/

.

A.k=§|n4. B. k=In2. C. k=, D. k=1In3.

I11. TINH THE TiCH
1. Thé tich caa vat thé.

Khai niém:

Goi B la phan vat thé gi6i han bai hai mat phang (P) va (Q) vudng goc véi truc Ox tai cac diém
avab; S(x) ladién tich thiét dien cua vat thé bi cat boi mat phang vudng géc véi truc Ox tai

diém x, (aS XSb). Gia sur S(X) la ham s lién tuc trén doan [a;b].

Ngudi ta chitng minh dugc thé tich vat thé V cua phan vat thé dugc gigi han bai hai mat phang

(P) va (Q) duoc tinh béi cbng thuc: V = J.:S (x)dx

2. Thé tich khéi tron xoay.

Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang giéi han béi cac duong y = f (x), truc
hoanh va hai duong thang x=a, x =b quanh truc Ox:

v

T

(C):y=f(x)
(Ox): v=0

b
V,=nf[f(] ax

Vi du 1: Cho hinh phing (H ) gi6i han boi cc duong y =+/x —1, truc hoanh va duong thing x = 4. Khi
tron xoay tao thanh khi quay (H ) quanh truc hoanh c6 thé tich V bang bao nhiéu?
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Vi du 2: Cho hinh phing (H ) gi6i han bai cac duong y =+/x, x=0, x =1va truc hoanh. Tinh thé tich v
cia khi tron xoay sinh bai hinh (H ) quay quanh truc Ox.
Vi du 3: Tinh thé tich cua khdi tron xoay tao thanh khi quay hinh phang giéi han boi d6 thi ham sé

y =+/tan x , truc hoanh va cac duong thang x=0, X = %quanh truc hoanh.

Vidu 4: Goi (H) 2 hinh phang gisi han bai parabol y = x*va duong thang y = 2x. Tinh thé tich khoi tron
xoay tao thanh khi quay hinh(H ) xung quanh truc hoanh

Chu y: Theé tich khéi tron xoay dugc sinh ra khi quay hinh phang gi¢i han béi cac duong y = f (x),

y =9(x) (cung nam mot phia so véi Ox) va hai duong thang x=a, x=b quanh truc Ox:

yl

A J(x)
~

g(x)

0

Thé tich khéi tron xoay tao thanh 1a: f2(x)-g° (x)‘ dx|.

2

Vi du 5: Tim cong thire tinh thé tich ciia khdi tron xoay khi cho hinh phang gisi han béi parabol (P):y =x
va duong thang d : y = 2x quay xung quanh truc Ox .
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Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

B. LUYEN TAP

I. Chira bai tap SGK

Bai 4 trang 123 — SGK. Tinh thé tich khéi tron xoay do hinh phang gigi han béi cac dudng sau quay quanh
Ox:

a) y=1-x*; y=0.b)y=cosx; y=0; x=0; x=x.C) y=tanx; y=0; x=0; x:%.

Bai 5 trang 123 — SGK. Cho tam gi4c vuéng OPM c6 canh OP nam trén Ox . Bat POA=a va OM =R
(0 <a< %, R> O] . Goi H 1akhdi tron xoay thu dugc khi quay tam giac d6 xung quanh Ox
a) Tinh thé tich cua H theo « va R. b) Tim « sao cho thé tich H 14 16n nhét.

IV. Bai tap tric nghiém

Cau 11: Cho hinh phing (D) dugc gisi han bai cac duong x=0, x=1, y=0 va y =+/2x+1. Thé tich
Vv ciia khoi tron xoay tao thanh khi quay (D) xung quanh truc Ox dugc tinh theo cdng thuc?

A.V :IZ(2x+l)dx. B.V :J-:\/2x+1dx. C.V :njloxl2x+1dx. D.V :zf2(2x+1)dx.

Cau 12: Cho hinh phing (H ) gi¢i han béi do thi ham sé y = x.In x, truc hoanh va hai duong thang x =1
; x = 2. Thé tich vét thé tron xoay sinh béi (H ) khi n6 quay quanh truc hoanh co thé tich v dugc
xac dinh boi

A.V =7r'|'f(x.ln x)2 dx. B.V :If(x.ln x)dx. C.V :_ff(x.ln x)2 dx. D. V :ﬁIf(X.In x)dx.

Cau 13: Cho hinh phang D gidi han boi dudong cong y = €*, truc hoanh va cac dudng thing x =0, x =1
. Khéi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bang bao nhiéu?

A.V=7Z(%+1). B.V=”(L_l). c.%ez. pv-g-t

Cau 14: Thé tich khéi tron xoay tao thanh khi quay hinh phang gidi han boi cac duong y = xe*, y =0,
x=0, x=1xung quanh truc Ox la
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Céu 15:

Céu 16:

Cau 17:

Céau 18:

Céau 19:

Cau 20:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
1 1 1
AV = z.[oxzexdx . B.V = joxzezxdx . C.V= ;zjzxexdx. D.V= ﬂ_[oxzezxdx :

Cho mién phing (D)gici han boi dd thi ham s§ y =+/x , hai duong thing x =1, x =2 Va truc
hoanh. Tinh thé tich khdi tron xoay tao thanh khi quay (D)quanh truc hoanh.

A B. 37. c.2. p. 2%,

2 2 3
Tinh thé tich khéi tron xoay duoc tao thanh khi quay hinh phing gigi han bai db thi ham sé
y =3x—x* va truc hoanh, quanh truc hoanh.
87 8lr 857 41
A. — (dvtt). B. — (dvtt). C. —— (dvtt). D. —— (dvtt).
7(v) 10(v) 1O(v) 7(v)

Cho hinh phing trong hinh (phan t6 dam) quay quanh truc hoanh. Thé tich cua khdi tron xoay
tao thanh dugc tinh theo cdng thic nao?

Yy f.(x)
f,(x)
0] a b X
AV =z [ [£(x)-,(x)] dx. B.V = ["[ £7(x)- 1 (x)]dx.
C.V =a[ [ £2(x)- £,(x)]dx. D.V = [ £(x)- £(x)]ox,

Cho hinh phang (H) gisi han béi cac duong y=x>-x+1, y=0, x=0, x=2.Goi V lathé

tich khéi tron xoay dugc tao thanh khi quay (H) xung quanh truc Ox . Ménh dé nao sau day

dang?
A.V :nji(x3—x+1)dx. B.V :Iz(xg—x+1)2 dx .
C.V :njz(x3—x+1)2 dx . D.V :ﬂjz(xs—x2+1)dx.

Cho hinh phang (D) duoc gi¢i han bai cac duong x=0, x=x, y=0va y=-sinx. Thé tich

V ctia khoi tron xoay tao thanh khi quay (D)xung quanh truc Ox duoc tinh theo cong thirc
A.V = [ sin® xdx. B.V =z |sinx|dx.
0 0

C.V :7r'[;[sin2 xdXx.. D.V =7Z'U:(—Siﬂ x)dx‘.

Cho hinh phing (H ) gi6i han bai cac duong y =/x —1, truc hoanh va duong thing x = 4. Khi
tron xoay tao thanh khi quay (H ) quanh truc hoanh c6 thé tich V bang bao nhiéu?

A.V:%r. B.V =

Tx

C.s=1. D.V .
6

o~

C.BAI TAP TU LUYEN
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Cau 21: [Mire d 1] (P& Minh Hoa 2020 Lan 1) Dién tich hinh phang duoc gach chéo trong hinh bén
biang

by

g Y = 20 — 2
: 2 7

_1\%/ ' T

Y = —x? 42
A. E(—sz +2x+4)dx. B. E(sz —2x—4)dx.
C. j_zl(—sz —2x+4)dx. D. Ji(ZXZ +2x—4)dx.

Cau 22: [Mirc @9 1] (P& Tham Khao 2020 Lan 2) Dién tich S cua hinh phang gisi han boi cac duong

y=2x*, y=-1, x=0 va x =1 dugc tinh boi cdng thirc nao sau day?
A.S :ﬂj(2x2+1)dx. B. S :j(sz—l)dx. C.S =i(2x2+1)2 dx. D. S =j(2x2+1)dx.
0 0 0 0

Cau 23: [Mire @9 1] (Chuyén Lé Hong Phong - TPHCM - 2021) Hinh phang gigi han bai do thi ham
s0 y = f (X), truc hoanh va hai duong thang x =a, x=b trong hinh dudi day (phan gach soc)
c6 dién tich S bang

2y

A. J.:f(x)dx+J‘be(x)dx. B. I:f(x)dx—jcbf(x)dx.
C. —Lc f (x)dx+‘[cb f(x)dx. D. —LC f (x)dx—J.cb f (x)dx.

Cau 24: [Mirc d9 1] (Chuyén Lam Son - Thanh Hoa - 2021) Goi S 1a dién tich mién hinh phang duoc
gach chéo trong hinh v& duéi day, véi y = f (X) 1aham s lién tuc trén R.
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Céau 25:

Cau 26:

Céau 27:

Céau 28:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Cong thuac tinh S la

A.S:—_z[f(x)dx. B.S:j'f(x)dx.
C. S:jf(x)dx—jf(x)dx. D. Szjz‘f(x)dx.

[Mire d§ 1] (Chuyén Hoang Vin Thu - Hoa Binh - 2021) Goi (D) la hinh phang gi¢i han bai

cac duong thang y =§, y=0,x=1x=4. Thé tich vat thé tron xoay tao thanh khi quay (D)
quanh truc Ox duoc tinh theo cdng thirc nao dudi day?

4 4 4 2 4 2
A. nj‘idx. B. ﬂfidx. C. ﬁj[i) dx. D. ﬂjx—dx.

116 1 4 4 4

[Mike dd 1] (Chuyén Quédc Hoc Hué - 2021) Thé tich caa khdi tron xoay khi quay hinh phang gidi
han bai cac duong y = Jx, truc Ox va hai duong thang x =1;x =4 quanh truc hoanh duoc tinh
boi cong thirc nao dudi day?

A.V:zzjxdx. B.V:ﬂj\/;dx. C.V:ﬂixdx. D.sz.‘\/;‘dx.
1 1 1 1

[Mitc d9 1] (Chuyén Ngoai Ngir Ha Ni- 2021) Cho hinh (H ) dwoc gi6i han nhu hinh v&

4y

Dién tich ciia hinh (H ) duoc tinh bai cong thirc nao dudi day?

A. }:[g(x)—f(x)]dx. B. :[f(x)—g(x)]dx.

c. [ f(x)dx. D. [ g(x)dx.

[Mire 9 1] (THPT Quang Xwong 1-Thanh Hoa - 2021) Cho d6 thi ham sé y = f (). Dién
tich S cua hinh phang (phan t6 ¢am trong hinh v&) 1a
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Cau 29:

Céau 30:

Céau 31:

Cau 32:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. S:—jf(x)dx+if(x)dx. B. S:'lff dx—jf
0 1 0 1

C. S='3|:f(x)dx. D. S:j'f dx+i
0 0

[Mire @9 1] (THPT Nguyén Pirc Canh - Thai Binh - 2021) Cho hinh phing (D) duoc gidi han
béi cac duong f (x)=+v2x+1,0x,x=0,x=1. Tinh thé tich V cutia khéi tron xoay tao thanh khi

quay (D) xung quanh truc Ox dugc tinh theo cdng thuc?

C.V= nj (2x+1)d

1 1
A.V =7Z'J.\/2X+1dX. B.V :J'(Zx+1)dx. . D.V-= J\/Zx+ 1dx.
0 0

[Mire d§ 1] (THPT Quéng Xwong 1-Thanh Hoa - 2021) Cho d thi ham s y = f (x). Dién
tich S cua hinh phang (phan t6 ¢am trong hinh vé) 1a

AA
1 3 1 3
A S =—[ f(x)dx+[f(x)dx. B.S=[f(x)dx—[f(x)
0 1 0 1
C. S:jf(x)dx. D. S:jf dx+i
0 0

[Mire @6 2] (Chuyén KHTN - 2021) Dién tich hinh phang gi¢i han boi do thi cua ham sé
y = X*+X va d6 thi cua ham sd y = 2x+2 bing
AL B. > c. > p. 2.

6 2 6 2
[Mire d§ 2](Chuyén KHTN - 2021) Dién tich hinh phang gigi han boi duong thang y = x+3
va parabol y =2x*—x-1 bang

13 9 13

A —. B. —. . D. —.
6 2 3
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Céu 33:

Cau 34:

Céau 35:

Céu 36:

Céau 37:

Céau 38:

Céau 39:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mire 9 2] (Chuyén KHTN - 2021) Tinh thé tich cua khdi tron xoay khi cho hinh phang gigi
han boi duong thang x =2 va d6 thi y = x* khi quay xung quanh truc Ox .
Ar S5z 32

A E B. 2. c. %<2, D. X
5 6 5 6

[Mike d 2] (Chuyén Quéc Hoc Hué - 2021) Tinh dién tich cua hinh phang (duogc t6 dam) gioi
han bai hai duong y = 2x?, y* = 4x.

A.S=2—”. B.S=4—”. C.S:ﬂ. D.S:g.
3 3 3 3

[Mire @9 2] (Chuyén Lé Hong Phong - TPHCM - 2021) Cho hinh phang (H) gi6i han bai d6
thi ham s6 y = 2x—X? va truc hoanh. Tinh thé tich V vét thé tron xoay sinh ra khi cho (H) quay
quanh truc OX.
A.V:ﬂn. B.V:E. C.V:f. D.V:Eﬂ.
3 15 3 15

[Mike d9 2] (Chuyén Ngoai Ngir Ha Ngi- 2021) Thé tich khdi tron xoay sinh ra khi quay quanh
Ox hinh phang gi6i han boi cac duong x=0; x=1; y=xe*; y=0 Ia

T (.2 1, 1, (.2
A. Z(e -1). B. Z(e +1). C. Z(e -1). D. Z(e +1).
[Mire d9 2] (Chuyén Lé Quy Pén - Pién Bién - 2021) Cho hinh phing D gigi han boi duong
cong Yy =e*, truc hoanh va cac dudng thang x =0, x =1. Khdi tron xoay tao thanh khi quay D
quanh tryc hoanh c6 thé tich V' bang bao nhiéu?

r(e? -1 2 2 _ r(e?+1
A.V:u. B.v="" cv=2=1 D.V:u
2 2 2 2
[Mire d 2] (Chuyén Ha Long - Quang Ninh - 2021) Dién tich hinh phang gigi han bai d6 thi
ham sb y = (x—l)(x2 —5x+6) va hai truc toa d bang
11 1 11

A. == B. = c. =~ D. X,
4 2 4 2

[Mire @9 2] (THPT Nguyén Tat Thanh - Ha Nai - 2021) Trong mit phang toa do Oxy cho
hinh phang (H) dugc gi¢i han béi cac duong y=sinx,y=0,x=0 va x=z. Quay hinh phing

(H) quanh truc Ox ta dugc mot vat thé tron xoay c6 thé tich bang

2
A 7. B. 7. c. =, D. Z.
2 2
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Céu 40:

Cau 41:

Céu 42:

Céau 43:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mire d§ 2] (THPT DPao Duy Tir - Ha Ni - 2021) Goi (H) 1a hinh phang gisi han béi db thi
hamsé y = x* —5x+4 vatruc Ox . Thé tich ciia khéi tron xoay sinh ra khi quay hinh (H ) quanh

truc Ox bang
A S B. 3. c. 8 p. %
2 10 10 2
[Mike dd 3] (Chuyén KHTN - 2021) Cho ham sé f(x) = ax® +bx* +cx+4 va g(x) = mx® +nx
c6 dd thi trong hinh bén dudi.

Dién tich cua hinh phang gidi han bai d6 thi cia hai ham sé trén (phan gach chéo trong hinh vé)
bang

A2 B. 2L c. 3 p. 2.
4 12 6 2

[Mie @9 3] (Chuyén Hoang Vin Thu - Hoa Binh - 2021) Cho hai ham sé
f(x)=ax3+bx2+cx—% va g(x)=dx*+ex+1 (ab,c,d,ecR). Biét ring do thi ham sb
y=f(x) va y=g(x) cit nhau tai 3 diém c6 hoanh d¢ lan luot 1a -3; —1; 1 (tham khdo hinh

v&). Hinh phang gigi han bai 2 @6 thi da cho c6 dién tich bang
yJ\

A 5. B.%. C. 4. D. 8.

[Mire do 3] (Lién trowong Quynh Luwu - Hoang Mai - Nghé An - 2021) Goi S la dién tich hinh

x? —2x

phing gidi han boi d6 thi ham sé y = , duong thang y = x—1 va cac duong thang Xx=m

, x=2m (m>1). Giatricia m saocho S=In3 Ia
A . m=2. B. m=3. C. m=5. D. m=4.
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Cau 44:

Céau 45:

Céu 46:

Cau 47:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

[Mire dd 3] (Sé¢ Vinh Phuc - 2021) Biét dién tich cua hinh phing gigi han bai cac duong
X m n 2
=3%,y==—,x=01a S=————.Tinh tong m+n.
y=2¥=3 3In3 6 ong

A. . m+n=4. B.m+n=2. C. m+n=1. D. m+n=3.

Cho ham s6 bac ba y = f (X) c6 dd thi 1a duong cong & hinh bén dudi. Goi X, X, lan lugt 1 hai
diém cyc tri théa mén x, =x,+2 va f(x)-3f(x,)=0. Buong thang song song véi truc OX
va qua diém cuc tiéu cat do thi ham sd tai diém thir hai c6 hoanh d¢ x, va x, = X, +1. Tinh ti s6

% (S, va S, lan luot 1a dién tich hai hinh phang dugc gach ¢ hinh bén dudi).
2

Yy

/mo

A g B.
8

[Mire @6 4] (P& Tham Khao 2019) Mot bién quang céo cé dang hinh elip véi bon dinh
A, A, B, B, nhu hinh v& bén. Biét chi phi dé son phan t6 ¢am Ia 200.000 vnd/m? va phan con
lai 100.000 vnd/m?. Hoi s tién dé son theo cach trén gan nhét vai s6 tién nao dudi day, biét
AA =8m, BB, =6m va ti giac MNPQ la hinh chit nhat c6 MQ =3m?

D.

0| U1
O
0| w
Ul w

B,

A A,

B,

A. 5526.000 dong.  B. 5.782.000 dong. C. 7.322.000 dong. D. 7.213.000 dong.
[Mire d 4] (Tran Phi - Quang Ninh - 2020) Mt c&i céng hinh Parabol nhu hinh v& sau. Chiéu
cao GH =4m, chiéu rong AB =4m, AC = BD =0,9m. Cha nha Iam hai canh cong khi déng lai
Ia hinh chit nhat CDEF t6 dam c6 gia la 1200000 ddng /m?, con cac phan dé tring lam xién
hoa c6 gia 1a 900000 déng /m?. Hoi tong sé tién dé 1am hai phan noi trén gan nhat vai sé tién
nao dudi day?
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G

c Hi D
A B

A. 11445000 d¢ong.  B. 4077000 dong.  C. 7368000 dong.  D. 11370000 ddng.
CAu 48: [Mirc d9 4] (THPT Lé Quy Pén Pa Ning 2019) Cho mot mo hinh 3— D m6 phéng mot duong
ham nhu hinh v& bén. Biét rang duong ham md hinh cé chiéu dai 5(cm); khi cat hinh nay boi
mat phang vudng goc véi day caa nd, ta duoc thiét dién 1a mot hinh parabol c6 do dai day gip
d6i chiéu cao parabol. Chiéu cao cua mdi thiét dién parobol cho béi cong thic y = 3—§x (cm)
,V6i X (cm) la khoang cach tinh tir 16i vao I6n hon ciia duong ham md hinh. Tinh thé tich (theo

don vi cm® ) khong gian bén trong dudng ham mé hinh ( 1am tron két qua dén hang don vi )

A. 29. B. 27. C. 31. D. 33.

Cau 49: [Mic d§ 4] (THPT Hau Lg¢c 2 - 2018) Cho ham sé y=f(x)=ax’+bx*+cx+d
(a,b,c,d eR,a# 0) c6 d6 thi 1a (C) Biét rang d6 thi (C) di qua gbc toa do va do thi ham sb
y = f'(x) cho bai hinh v& bén. Tinh gia tri H = f (4)—  (2).
A. H=45. B. H=64. C. H=51. D. H=58.

Cau 50: [Mire dd 4] Mot hoa tiét hinh canh buém nhu hinh v& bén.
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A _

D [ =
Phan t6 ddm dwogc dinh da véi gia thanh 500.000d/m?. Phan con lai dugc t6 mau voi gia thanh
250.0004 / m*. Cho AB =4dm; BC =8dm. Hoi dé trang tri 1000 hoa tiét nhu vay can sb tién

gan nhat vai sé nao sau day.
A. 105660667 4. B. 106666667 d. C. 107665667 d. D. 108665667 d.
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GIAI TICH 12 - CHUONG IV
§1. SO PHUC
A. PHAN KIEN THUC CHINH
1. Phan thuc va phan 4o caa sb phic, sé phic lién hep.

> S6 phirc Z la biéu thirc co dang z=a+bi (a,beR,i* =-1). Khi do:

+Phanthuccua z 1a a,
+ Phan 4o cua Z 1a b va i duoc goi la don vi a0.

> Sé phic lienhopcua Z1a z=a+bi=a—bi.

bac biét:
> S6 phirc z =a+0i c6 phan ao bing 0 dugc coi la sé thuc vaviét1a z=a
> S6 phirc z=0+bi c6 phan thuc bang 0 duogc goi 1a s6 4o (hay s than ao) va viét 1a
»>S6i=0+1i=1i.

> S6:0 =0+ 0i vira 1a s6 thuc vira 12 s6 ao.

Vi du 1: Tim phin thuc va phan a0 cua cac sé phirc sau: —3+5i; 4—i+/2; 0+ 7i; 1+ 0i
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3. Biéu dién hinh hec ciia sé phirc, md dun caa sé phirc. y4
a) Biéu dién hinh hec ciia sé phiic.
J4 , . . 2 .x We g A ) M
+S6 phirc z=a+bi (a,beR)duoc bicu dién bsi dicm M (a;b) :
trong mat phang toa do. |
Nz - 2 X . .42 Z- (0] a \2’
+ Zva z dugc biéu dién boi hai diém do6i xieng nhau qua truc OX.
b) Mé dun caa s6 phic. oA
, . . 5 > blocooo__ I:=ar+b:
+ Mo dun cua sé phac Z 1a |z|:‘OM‘:\/a +b®. ;
= _ 0 T x
+|z|=Vzz ; |z|=‘z‘. :
. A - 2 N, R T NS e/ SEEEEEERER T =a—hi
Chay : Trén mat phang toa do, cac diém biéu dién cua z va z doi
xtng nhau qua truc Ox
Vi du 4: Cac diém A;B;C;D biéu dién cho sé phtic nao?
Loi giai o
........................................................................... 31D
N —
........................................................................... 1
........................................................................... _35 3 _i O : 25 3 »>
........................................................................... ! -1 !
R -2
........................................................................... _3 ,,,,,,,JB

B. LUYEN TAP
1. Bai tap SGK

Bai 1 (Bai 1 trang 133 — SGK). Tim phan thyc va phan 4o cua céc sé phic z, biét
a) z=1-ri b) z=+2-i c) z=22 d) z=-Ti.
Bai 2 (Bai 2 trang 133 — SGK). Tim c4c s6 thuc X, Y biét
a) (3x—2)+(2y+1)i=(x+1)—(y-5)i
b) (2x+y)+(2y —x)i=(x—2y+3)+(y+2x+1)i
Bai 3. (Bai 4 trang 133 — SGK). Tinh |z| biét
) z=—2+~3i b) z=v2-3i ¢) z=-5d) z=i/3.

Bai 4. (Bai 6 trang 134 — SGK). Tim Z , biét.
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a) z=1-iv2 b) z=—/2+iv3 ¢) z=5d) z=7Ti.

2. Bai tap tric nghiém

Cau 1:

Cau 2:

Céu 3:

Céu 4:

Cau 5:

Céau 6:

Cau 7:

Cau 8:

Céau 9:

[Mike dd 1] Phan thuc cua s6 phirc z=5-2i bang
A. 5. B. 2. C. -5. D. -2.

[Mike dd 1] Cho sé phirc z =3+ 2i. Tim phan thuc va phan 4o cua sé phuc z .
A. Phan thuc bang —3 va phan ao bang —2.

B. Phan thuc bang 3 va phan ao bang 2.

C. Phan thyc bang 3 va phan 4o bang —2i .

D. Phan thyc bang 3 va phan 4o bang 2.

[Mite @ 1] Cho sé phic z =1+ 2i . S6 phirc lién hop cua z 12

A Z=-1+2i. B.Z=-1-2i. C.Z=2+i. D. 7=1-2i.
[Mire d 1] Modun cua s6 phac z =—1+2i bang:
A. 1. B. 5. C. 3. D. 5.
[Mire @9 1] Trén mit phang toa do, diem M (-3;2)1a diém biéu dién sb phic nao dudi day?
A. z2,=3-2i. B. z,=3+2i. C.z,=-3-2i. D. z,=-3+2i.
[Mire dd 2] Trén mat phang toa do, diém M 1a diém biéu dién sé phic nao dudi day?
YA
Mp - - - - - 1
|
. z
-2 [9)
A z,=1-2i B. z,=1+2i C.z;=-2+i D. z,=2+i

[Mirc d9 2] Biém nao trong hinh vé dudi day 1a diém biéu dién s6 phuc lién hop cua sé phic
2=-3i+2?

YA
R — N
M 2 i
T I
i I
3! 9] 2
R |
0 -2 =.
3T lp
A M. B. N. C. Q. D. P.

[Mic dd 2] Cho sé phuc z =1-2i. Tim phan 4o cua sb phic z .
A. 2. B. -2. C. -1. D. 1.

[Mirc d 2] Tim c4c s6 thuc X va y thoa man diéu kién (2x+3)+(3y—1)i=(x+2)+(y+5)i
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Céau 10:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. . B. . C. . D. .
y=-3 y=3 y=-3 y=3
[Murc d 3] Trén mat phang toa &6 Oxy , cho cac diém A, B, C lan luot 1a cac diém biéu dién cac
s6 phtic 1+1i, 4+i, 1+5i. Tinh ban kinh dudng tron ngoai tiép tam giac ABC .
5 7 1 3

A —. B. —. C —-. D. —.
2 2 2 2

C. BAI TAP TU LUYEN.

Céu 11:

Cau 12:

Céu 13:

Céu 14:

Céau 15:

Céu 16:

Cau 17:

Céau 18:

Cau 19:

[Mire d 1] Trén mit phing toa do, diém nao dudi day 1a diém biéu dién cua sé phic z = -3+ 4i
2

A. N(3,4). B. M (43). C. P(-34). D. Q(4-3).
[Mire d9 1] Piém M trong hinh vé& bén 1a diém biéu dién sb phirc
y]l
M
e 1
|
I -
—9 0 x
A. z2=1+2i B. z=1-2i C.z=2+i D. z=-2+i

[Mire dd 1] Sb phuc lién hop cua sé phuc 5-3i 1a

A. -3+5i. B. -5-3i. C.5+3i. D. -5+3i.
[Mire d9 1] S6 phic z =4-3i ¢6 médun bang

A 242 B. 25. C.5. D. 8.

[Mike d§ 1] Cho sé phirc z=3-2i. Tim phan thuc va phan 4o caa sé phic Z .
A. Phan thuc bang 3 va phan 4o bang 2i. B. Phan thuc bang —3 va phan 4o bang —2.
C. Phan thuc bang —3 va phan ao bang —2i. D. Phan thyc bang 3 va phan ao bang 2.

[Mire dd 1] Modun caa sé phac z=2-3i bang:

A.5. B. 13. C. 5. D. 13.

[Mire @9 2] Biét rang c6 duy nhat 1 cap s6 thuc (x;y) théaman (x+y)+(x—y)i=5+3i. Tinh
S=x+2y.

A. S=5. B. S=4. C. S=6. D. S=3.

[Mire d§ 2] Trong mat phang Oxy, goi M, N theo thir ty 1a cac diém biéu dién cho sb phic z
va 7 (voi z#0). Ménh d nao dudi day ding?

A. M va N dbi xting véi nhau qua truc OX.

B. M va N ddi xang véi nhau qua tryc Oy .

C. M va N ddi xang véi nhau qua dudng phan giac caa goc phan tu tha nhat.

D. M va N dbi xang voi nhau qua duong phan giac cua goc phan tu thi hai.

[Mire dd 3] Trén mit phang toa do, tap hop diém biéu dién céc s6 phirc z théa man diéu kién
phan 4o cia z bang -2 1a
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Céau 20:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai
A x=-2. B.y=-2.
C. y=2x. D.y=x+2.
[Mike dd 3] Trong mit phing toa 6 Oxy, 3 diém A, B,C lan luot 1a diém biéu dién cua ba sé
phac z, =3-7i,z, =9-5iva z, =-5+9i. Khi do, trong tdm G 1a diém biéu dién cua s6 phac

nao sau day?

A 7=1-0i. B. 7=3+3i. c.z="_i. D. 72242

Trang 171




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

GIAI TiCH 12 - CHUONG 4
§2 CONG, TRU VA NHAN SO PHUC
A. PHAN KIEN THUC CHINH
I. PHEP CONG VA PHEP TRU
1. Dinh nghia

> Quy tic: Theo quy tic cong, trir da thic (coi i 12 bién).
* Tong quat:

(a+bi)+(c+di)=(a+c)+(b+d)i;

(a+bi)—(c+di)=(a—c)+(b—d)i.

2. Vidu
» VDL1. Tinh
a)(5+i)+(2+7i).
b)(3+1i)—(4—5i).

Cach 2: Str dung may tinh Casio: Nhan MODE + 2.
Il. PHEP NHAN
1. Pinh nghia

> Quy tic: Theo quy tic nhan hai da thirc (coi i 1a bién), khi thu gon thay i = —1.
> Tong quat:
(a+bi).(c+di)=ac+adi+bci+bdi’ = ac+adi+bci —bd.
Vay (a+bi).(c+di)=(ac—bd)+(ad +hbc)i.
2. Vidu
» VD2. Tinh
a)(3+4i)+(1-2i)(5+2i).
b)(x+2i)(3-5xi),xeR.

Chu y: Phép cong va phép nhan cac sb phiic cd tat ca cac tinh chét cua phép cong va phép
nhan cac sb thuc.
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B. LUYEN TAP
I. Chira bai tdp SGK
Bai 1 trang 135 — SGK. Thuc hién cac phép tinh sau:

a)(3-5i)+(2+4i);
b)(~2-3i)+(~1-7i); c)(4+3i)~(5-7i);

d)(2-3i)—(5- 4i);

Bai 3 trang 136 — SGK. Thuc hién cac phép tinh sau:

a)(3-2i)(2-3i); b)(-1+i)(3+7i);  ©)5(4+3i); d)(-2-5i).4i.

Bai 4 trang 136 — SGK. Tinh i3,i*,i°.

Néu céach tinh i" v&i nla mot sb tu nhién tly .

I1. Bai tap trac nghiém

Cau 1:

Céu 2:

Céu 3:

Cau 4:

Céau 5:

Cau 6:

Cau 7:

Céau 8:

Cau 9:

Cau 10:

Cho hai s6 phtic z, =1+2i, z, =2-3i. Téng cua hai sé phic z, va z, 1a
A. 3+i. B. 3-5i. C. 3+5i. D. 3-i.

Tim s6 phuc lién hop cta s6 phuc z=i°—(2+1i).

A. 2. B. 2V/2. C. 2-2i. D. —2+2i.

Biét 7 = (ﬁ+ i)2 (1—ﬁi) , phan 40 cua sé phtc z bang

A V2. B. —/2i. C. /2. D. /2i.

Trong cac s6 phirc (1+i)°,(1+i)*,(1+i)°,(1+i)° sb phac nao Ia s6 phirc thuin ao?

A (1+i). B. (L+i)". C. (1+i). D. (1+i)’.

Cho s phirc z =—-2+i.Diém nao dudi day la diém biéu dién cua s6 phic w =iz trén mat phang
toa do?

A. P(-2:1). B. N(2:1). C. Q(12). D. M (-L-2).

Tim sé phac z théamén |z-2|=|z| va (z +1)(;—ij la s6 thuec.

A. z=1+2i. B. z=-1-2i C.z=2-1i. D.z=1-2i.

C6 bao nhiéu sb phic z thoaman (1+i)z+(2-i)z =13+2i?

A. 1. B. 3. C. 2. D. 4.

Xét cac s6 phuc z thoa man (z+2i)(z +2) la s6 thuan ao. Biét ring tap hop tat ca cac diém

biéu dién cua z 1a mot duong tron, tim cua dudng tron do6 cé toa do la

A. (3-1). B. (11). C. (-11). D. (-1-1).
C6 bao nhiéu sb phircc z théa mén |z|2 =2|z+7|+4 va|z-1-i|=|z-3+3i?
A 4. B. 3. C. 1 D. 2.

Cho s6 phirc z thoa man |z|=1. Tim gid tri I6n nhat cua biéu thic P =[1+z|+3[1-z|.

Trang 173




Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

A. 315, B. 6/5. C. 245. D. 2410 .

C.BAI TAP TU LUYEN

Céu 11:

Céu 12:

Cau 13:

Cau 14:

Cau 15:

Céau 16:

Céu 17:

Céau 18:

Céau 19:

Céau 20:

Cho s6 phirc z =7 —5i. Tim sb phiic @ =7 +iz

A »=12+12i. B. w=12+2i. C. w=2+12i. D.w=2+2i.

Cho hai s6 phirc z, =2+3i va z, =2—i. S phac w=z,z, +z, c6 phin thuc bing

A T. B. 9. C. 4. D. 3.

Cho hai s6 phtic z, =2—i va z, =1+ 2i . Khi d6 phan 4o cua s phic z,.z, bang:

A 2. B. 3i. C. 3. D. -2i.

Cho s6 phitc z=a+bi (trongdé a, b 1a cc s thuc) thoa man 3z —(4+5i)z =—17+11i. Tinh
ab.

A. ab=6. B. ab=-3. C. ab=3. D. ab=-6.

S8 phirc z=a+bi (v&i a, b 1a s8 nguyén) théa man (1-3i)z Ia s8 thuc va [Z —2+5i|=1. Khi
do a+b la

A. 9. B. 8. C.6. D. 7.

Goi (H) latap hop cac diém biéu dién s phic z thoa 1<|z -1/ <2 trong mat phang phic. Tinh
dién tich hinh (H).

A. 2r. B. 3r. C. 4ar. D. 57.

Xét céc s6 phirc z théa man (Z +2i)(z—2) 1a s6 thuan do. Trén mét phing toa do, tip hop tat
ca cac diém biéu dién cac s6 phirc z 13 mot duong tron ¢ ban kinh bang

A. 2. B. 2J/2. C. 4. D. V2.

Tap hop tat ca cac diém biéu dién cac s6 phirc z 1a mot dudng tron cd ban kinh bang /2.

Cho sé phirc z=a+bi(a,beR) thoaman z+3+i—|z|i=0.Téng S =a+b+2ab bing

A. 23. B. 24. C. -23. D. -24.

Cho sé phuc z=a+bi(a,beR) théa min z+2iz=3+3i. Tinh gid tri bicu thuc

P — 2019 | 2018
34036 _ 32019 34036 _ 32019

AAP=————F5—. B.P

52019 - 52019

C.P=2. D. P=0.

Xét hai s6 phic z,,z,théa mén ‘(zl+2—i)(\/§+i)‘:‘zl—z_l‘ va |z, -3+i|=|z, +1-2i|. Gia tri
nhé nhét cua |z, — z,| bang

A. 46 . B. 24/6. c.%. D.%.
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GIAI TiCH 12 - CHUONG 4
§3. PHEP CHIA SO PHUC

A. PHAN KIEN THUC CHINH
I. TONG VA TICH HAI SO PHUC LIEN HQP
1. Vi du mé dau:

Liéu rdng (1+2i).z=3+4i c6 twong duong véi z = :13+;“ khong? Tinh :13+;“ nhu thé nao?
+2i +2i

2. Nhan xét

® Tong ciia mot sé phic vai sé phic lién hop cua né bang hai 1an phan thuc cua sé phic do.

@ Tich ciia mét sé phuc vai s6 phic lién hop cua né bang binh phuong mé-dun cua sb phire do.
Vay tong, tich cua hai sé phuc lién hop 1a mot sé thuc.

3.Vidu
» VD1: Hay thuc hién cac phép toan trong bang dudi day:
z z Z+7 7.7
—2+i
3—-4i

> VD2: Tim s6 phicc z théa man:
a) 3+4i=5z.b) (1+2i)z=5-i.

Il. PHEP CHIA HAI SO PHUC
1. Dinh nghia:

Chia s6 phuc ¢+di cho s6 phuc a+bi khac 0 l1a tim sé phuc z sao cho (a+bi)z=c+di.S6
phtc z duoc goi la thwong trong phép chia c+di cho a+bi vaki hiéu la:

c+di
Z= -
a-+bi
2.Chay:
\ Ror C+di A 5 I \ x IR , -a B .
» Trong thuc hanh, dé tinh thuong PR ta nhan ca tir va mau véi so phuc lién hop cua a+bi
a+bi
1 7z
> —=—.
z ||
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3. Vidu
» VD3: Thuc hién cac phép chia sau day:
2) 3+4_|. b) 1+1 .
1+2i 2-3i
Je . p . +3i .
» VD4: Keét qua cua phép chia —— la:
[
NESRTY B2+ 0 c.8.3i .83
5 5 5 5 5 5 5 5
B. LUYEN TAP
I. Chira bai tap SGK
Bai 1 trang 138 — SGK. Thuc hién cac phép chia sau:
) 2+|_ b) 1+|_\/§ 0 5i | Q) 5—_2|
3-2i 2+i3 2-3i i

Bai 2a, 2b trang 138 — SGK. Tim nghich dao % cua s6 phuc z, biét:

a). 1+2i . b) V2 -3i.
Bai 3.a, 3b trang 138 — SGK. Thuc hién phép tinh sau:

o o (i) (2)
2i(3 2+4i). b) —————.
a) 2i(3+i)(2+4i). b) o
Bai 4 trang 138 — SGK. Giai cac phuong trinh sau:

a) (3—2i)z+4+5i=7+3i.

b) (1+3i)z—(2+5i)=(2+i)z.

) +(2-3i)=5-2i.

4-3i
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I1. Bai tap tric nghiém

Céu 1:

Cau 2:

[Mirc d 1] Cho s6 phic z théamén (1+2i)z = (1+2i)—(—2+1i). M8-dun ctia s6 phic z bang:
A2 B.1. C.A2. D.A10.

[Mire d9 2] Cho s6 phirc z théa man (1+i)z =—1+3i. Héi diém biéu dién cua z 1a diém nao
trong cac diém M,N,P,Q & hinh dudi day.

v

=l
I
l
|
]
=

|
o

+
r~———="1"""""7"

[}

bl
i

!
[N
L]
s}

A. biém M . B. biém N . C. biém P. D. Piém Q.

C.BAI TAP TU LUYEN

Cau 3:

Cau 4:

Céau 5:

Céau 6:

[Mike d§ 1] Cho sé phirc z c6 sb phuc lién hop Z =3—2i. Khi d6, z.Z bang:

A3, B.13. C.Ab5. D.5.
[Mire d9 2] Cho sé phuc z théa man: z(2—i)+13i =1. Tinh mé-dun cta s6 phirc w=1z+2i.
A.3. B.18. C./34. D.3J2.

o ot ohie 3 e g )
[Mire do 2] Cho so phirc z théa mén: z =T.T|m mO-dun cua S6 phac Z +iz.
A.42. B.4. C.8J2. D.8.

A £ UV S \ . . \ A
[Mvre d 3] Cho so phttc z thoa man — 1a so thyc va |Z—2| =m voi meR. Goi m, 1a mot
z

gia tri cia m dé c6 dung mot sd phirc thoa méan bai toan. Khi dé:

A.me O;1 . B.m, e l;1 . C.mye §;2 . D.m, e 1;§ .
2 2 2 2
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GIAI TICH 12 - CHUONG 4

§4. PHUONG TRINH BAC HAI VOI HE SO THUC
A. PHAN KIEN THUC CHINH

> VD MO PAU:

Dung c6ng thirc nghiém cta phuong trinh bac hai, giai phuong trinh:
a) X*—2x+5=0b) xX*-2x-5=0c) x*+1=0

I. CAN BAC HAI CUA SO THUC AM

+) b 1a can bac hai caa sb thuc a &m khi: b*> =a(a<0).

+)Tacé a<0=a=i’[a

+) Vay cin bac hai cia so thuc a(a <0) la: ii\/@

» VD1: Tim can bac hai cac sé sau: —1;—2;—4;—9;-13;0;1; 4.

Nhan xét: Néu a>0 thi céc cin bac hai cua a 1a ++/a.
Néua=0 thi cin bac hai s 013 0.

Néu a<0 (a=i° |a|) thi cac can bac hai cua s thuc a: ii\/ﬂ

Il. PHUONG TRINH BAC HAI VOI HE SO THUC
Cho pt bac hai ax’* +bx+c=0 (a=0;a,b,ceR)

Tinh: A=b*—-4ac

b
* A= 0, phuong trinh ¢6 1 nghiém thyc X =——
2a

—b+JA
2a

* A >0, phuong trinh ¢6 2 nghiém thyc: X, =
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. —b+i|A|
* A< 0, phuong trinh ¢6 2 nghi¢m phuc: X, = ————

2a

Chu y:
Phuong trinh bac hai: a.z® +b.z+c=0(a=0) (A =b’-4ac< 0) .

-b+ifla  -b-iyfal
2a 27 2a

s b C -
+)Khido z,+72,=-—;2,.2,=——,2, = 2,.
a a

C6 hai nghiém phurc phan biét: z, =

+) Hai s6 2;Z, ( néu c6) 1an luot c6 tong 1a S, c6 tich 1a P thi 13 nghiém cua phwong trinh béc hai
sau: X>—Sx+P=0.
> VD 2: Giai phuong trinh bac hai sau trén tap s6 phirc: 22 —2z+5=0

I11. CAC DANG BAI TAP THUONG GAP.

1. Céu héi li thuyét vé phwong trinh trén tap C.
> VD 4: Tim nghiém cia phuong trinh sau trén tap hop s6 phtc:
a) X>+4=0b) xX*+2x+10=0

2. Tinh toan biéu thirc cic nghiém.

> VD 5: Trén tap hop sb phic. Goi 2,7, (z1a s6 phirc ¢6 phan 40 am ) 1an luot 13 nghiém cua

phuong trinh sau trén tap hop s phc:
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a) 22 +1=0.Tinh |z, + 27,
b) 2> -2z+5=0. Tim md dun cua s phuc: |2z, -z, .

3. Ung dung dinh li viet vao cac nghiém

> VD 6: Cho céc s6 phirc z, =3+ 2i,2, = 3—2i. Tim phuong trinh bac hai ¢6 cac nghiém z,,7,?

> VD 7: Goi z,,2,1a hai nghiém phtrc ctia phuong trinh: 22° + J3z+3=0.
Tim gid tri cua 2} +22?

4. Biéu dién hinh hoc cic nghiém ciia phwong trinh trén méit phiang phire.
> VD 8: Trén tap hop s6 phirc cho phuong trinh 22 —2z+50=0. Goi z,,7, 1a hai nghiém phic
cua phuong trinh (z; 1a s6 phirc ¢6 phan 4o am). Tim diém biéu dién hinh hoc cua sb phirc

W=2+22,—i trén mit phang phiic Oxy ?
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> VD 9: Goi z,1a nghiém phurc co phan 40 am ctia phuong trinh z2 +2z+2=0. Tim diém biéu

dién hinh hoc cuia s6 phtrc lién hop ctia s6 phirc w = (1+2i)z, ?

5. Hé phuong trinh s phirc.

> VD 10: Tim s6 phic z thoa man didu kién: [z-1=|z+1=+/5?

B. LUYEN TAP
I. Chira bai tdp SGK

Bai 1 trang 142 - SGK: Tim céc cin bac hai phirc cia cac s6 sau: —7;—8;-12;—20;-121.
Bai 1 trang 143 - SGK: Giai cac phuong trinh sau trén tap s6 phuc:

a)—3x*+2x-1=0;

b) 7x* +3x+2=0;

C)5x* —7x+11=0.
C. Bai tap tric nghiém

Caul: Métcan bac haicua —3 la
A. 9. B. —V3. C. +/3i. D. -3i.

Cau2: Giai phuong trinh z> —z+1=0 trén tap sb phic.
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Cau 3:

Céu 4:

Céu 5:

Céu 6:

Cau 7:

Cau 8:

Céau 9:

Céau 10:

Cau 11:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

3 NE

1. . ] 1 )
A z2=—=F—1. B. z=+3%1. C.z=1£V3i. D.z==—1—1.
2 2 \/_ \/_ 2 2

Goi z, va z, la 2 nghiém phuc cta phuong trinh 2> —2z2+5=0, trong d6 z, ¢6 phan do dwong.
Tim s6 phiic w=(z,+2,)z,.

A w=-2-4i, B. w=-2+4i. C.w=2-4i. D. w=2+4i.

Goi z,,2,1a hai nghiém phtc cta phuong trinh 2> +2z+5=0. Gia tri cua |zl|2 +|22|2ba°1ng

A. 10. B. 50. C.5. D. 18.

Ki hiéu z,,z, 1a hai nghiém phtic caa phuong trinh z? —6z+18=0. Tinh gia trj ctia biéu thuac
P=(z+2,) bing

A. 6. B. 36. C. 18. D. 24.

Ki hiéu z,,z, 1a hai nghiém cia phuong trinh z° +4=0.Goi M, N lan luot 1a diém biéu dién
cua z,,z, trén mat phang toa do. Tinh T =OM +ON véi O la goc toa do.

A T=2. B.T=+2. C.T=8. D.T=4.
Goi z,,2, la nghiém phuc cta phuong trinh z> —5z+8=0. Gia tri z” +z? bang
A. 41. B. 9. C. 16. D.17.

Goi z, la nghiém phic ¢ phan ao dwong ciia phuong trinh z° —4z+8=0. Trén mat phang toa

do Oxy, diém nao duéi day la diém biéu dién cua s6 phic iz, ?

A Q(2:2). B. M (-2;2). C. P(-2-2). D. N(2-2).
Ki hiéu z,,z, 1a hai nghiém phtc cta phuong trinh 2> —2z+4=0. Gia tri cta ﬁJrﬁ bang
1 2
1 1
A 2. B. —. C. 1 D. —.
2 V2

Goi z, la nghiém phac c6 phan a0 am cua phuong trinh z> —2z+5=0. Modun cta sb phuc

z,+i bang

A 2. B. 2. C. J10. D. 10.

Goi z, langhiém phiic c6 phan ao dwong ctia phuong trinh z° +2z +10 =0 . Modun cta sb phic
z,—i bang

A 3. B. 5. C.1. D. 3.

D. BAI TAP TU LUYEN

Cau 12:

Cau 13:

Trong C, nghiém ctia phuong trinh z° —8=0 la:

A. 21:2;22:1+\@i;z3:1—\@i. B. 21:2;22:—1+ﬁi;23:—1—\@i.
C. zl:—2;22:—1+\/§i;z3:—l—\/§i. D. 21:—2;22=1+\/§i;z3:1—\/§i.
Hai gia tri x, =a+bi;x, =a—Dbi la hai nghi¢m cua phuong trinh:

A. x*+2ax+a*+b*=0. B. x*+2ax+a’*-b’=0.

C. x¥*—2ax+a’+b*=0. D. x*—2ax+a*—b*=0.
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Cau 14:

Céau 15:

Céu 16:

Céau 17:

Céu 18:

Céu 19:

Céu 20:

Cau 21:

Cau 22:

Céau 23:

Cau 24:

Céau 25:

Cau 26:

Hay hoc cho chinh ban than minh vi ddy 1a nam hoc quyét dinh cho tuong lai

Trong C, nghiém ctia phuong trinh z°+4z+5=0 la:

z2=-2-1i
A z=2-1I. B.z=-2-i C.[ . D. z=-2+i
' Z=—2+Ii '

Trong C, phuong trinh z* —1=0 c6 nghiém Ia:
A +1;+2i. B. £2;+2i. C. £3;+4i. D. £1;+i.
Biét z,; z, 12 hai nghiém ciia phuong trinh 2% ++/3z+3=0. Khi do gia tri cua 22 + 22 I&:
A.g. B. 9. C. 4. D. —g.

4 4

Goi z;; z, 1a hai nghiém phuc ctia phuong trinh z2 —4z+5=0. Khi d6 phan thuc cia z7 + 22 Ia:
A. 5. B. 6. C. 4. D.7.

Goi z; z, 1a hai nghiém phiic cua phuong trinh z* +2z+4=0. Khi d6 A=z |* +|z,|* co6 gid

tri la

A. —T7. B.-8. C. 4. D. 8.
Tim cac can bac hai cua —9.

A. £3i. B. 3. C. 3i. D. -3.
Trong C, phuong trinh z* +4 =0 cd nghiém la:

A. £(1-4i);+(1+4i). B. +(1-2i); £(1+2i).

C. £(1-3i);£(1+3i). D. #(1-i); £(1+i).

Can bac hai ctia sé phic 4+6+/5i 13;

A. —(3++5i). B. (3+5i). C. +(3++/5i). D. 2.

Trén tap hop s6 phtc, phuong trinh z? +7z+15=0 c6 hai nghiém z,,z,. Gia tri biéu thic
Z,+12,+77, la

A. 7. B. 8. C. 15. D. 22.

Gia sir z,,z, la hai nghiém ctia phuong trinh z? —2z+5=0 va A, B la c4c diém biéu dién cua
z,,2,. Toa dj trung diém | cua doan thing AB la:

A 1(L1). B. 1(~L0). C. 1(0,1). D. 1(10).

Cho phuong trinh z? +mz —6i =0. Dé phuong trinh c6 tong binh phwong hai nghiém bang 5 thi
m cé dang m==+(a+bi)(a,beR). Giatri a+2b la:

A. 0. B. 1. C. 2. D. -1.

Cho phuong trinh 2> —mz +2m—1=0 trong ¢6 m 1a tham s6 phuic. Gia tri cia m dé phuong trinh
c6 hai nghiém z,,z, theaman z/ +2z2 =-10 la:

A. m=2+22i. B. m=2+2+/2i. C. m=2-22i. D. m=-2-2/2i.

Goi 2,2, la hai nghiém cta phuong trinh z°—2z+6=0. Trong d6 z, c6 phan 4o am. Gia tri
biéu thic M =|z,|+[3z, - z,| la:

A. \J6-221. B. V6 +2/21. C. J6+44/21. D. /6 -4+4/21.
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