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PHAN I: TRAC NGHIEM KHACH QUAN

2
Céu 1. Tinh lim 22311
445n+2n
A. —l. B. 2. C. —l. D. 4.
4 2
. 2x*=2x  khi x>=1 ‘
Céu 2. Chohamso f'(x)= .Khi d6 lim f(x)bang
x —3x khi x<1 X1
A. 3. B. 2. C. 2. D. 4.
Céu 3. Cho hinh chop tir gidc déu S.ABCD c¢6 tat ca cac canh déu bang a. S6 do goc gitra hai dudng thiang
BC, SA bang
A. 90°. B. 60°. C. 45°. D. 120°.

Cau 4. Ménh d nao sau day la ding?

A. Hai duong thang cung vuong goc voi mot duong thang thi song song vo1 nhau.

B. Hai duong thang cling vudng goc v6i mot duong thang thi vudng goc voi nhau.

C. Mot duong thang vudng goc véi mot trong hai dudng thang vudng goc voi nhau thi song song voi
duong théng con lai.

D. M6t duong thing vudéng goc voi mot trong hai duong thiang song song thi vudng goc véi dudng thang
con lai.

2
Céu 5. Tinh 7 = lim 2= (’;’_4) .
(n+1)
A 1=9. B./=-9. C.1=-3. D./=3.
Cau 6. Cho lim f (x)=—o0, két qua ctia lim(-3.f (x)) bing
A. —o. B. +00. C.0. D. 3.

Cau 7. Gia tr1 dung cua lim(3” —5”) la:

A. -0, B. +w. C. 2. D. 2.
Céu 8. Cho ham s y:f(x) c¢6 d6 thi nhu hinh bén.
Ay
3 :
2
_____________ L
X
Q -

Két qua cua lim f(x) la

X—>—00
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A. 1. B. 3. C. 1. D. 3.
Cau 9. Hinh chiéu song song cua hai dudng thing chéo nhau khong thé co vi tri nao trong cac vi tri twong dbi

sau?

A. Trung nhau. B. Chéo nhau. C. Cit nhau. D. Song song.

Cau 10. Chon ménh d€ dung trong cac ménh deé sau:

A.Néu lim|u,|=+oo thi limu, = +o. B. Néu lim|u,| =+ thi limu, = —o.
C.Néu limu, =0 thi lim|u,[=0. D. Néu limu, = —a thi lim|u,|=a.
2 _ _ 3
Ciu 11. Tim giéi han C = lim Y2 ~¥+1-V2v+3
x>l 3x7 =2
A 2-35. B. —©. C.%—% D. +.
Cau12. lim == bing,
X—>—00 3 —X
2
A. 2. B.E C.1 D. 2.

Céu 13. Cho hamsé y = f(x) lién tuc trén (a;b). Diéu kién can va du dé ham sd lién tuc trén [a;b] la
A. rlg? f(x)=/f(a) va }g}} f(x)=r(b). B. xlir? f(x)=rf(a) va }g}} f(x)=r(b).
C. xlggf(x)zf(a) va }g}l}f(x)zf(b). D. Eirgf(x):f(a) va }Lr?f(x):f(b).

Céu 14. Cho k 1a mot s6 nguyén dwong. Chon ménh dé sai.

A. lim x* =+, B. lim x* = oo, C. lim %:0. D. lim 8x" =+w.
X—>—0 X——0 x—o—0 ¥ X—>+0

Céu 15. Cho hinh hop 4BCD.A'B'C'D'. Ping thirc nio sau ddy 1a ding thirc dang?
Df

),
A. BA+BC+ BB'=BD. B. BA+BC+ BB'=BA'.
C. BA+BC+ BB'=BC". D. BA+BC+ BB'=BD'.
x-2 khi x # 4
Ciu 16. Cho ham s6 f(x)=4 * -4 . Khang dinh nao sau day ding nhat ?
— khi x=4
4

A. Ham sb lién tuc tai x=4.

B. Ham s lién tuc tai moi diém trén tap xac dinh nhung gian doan tai x =4.
C. Ham s khong lién tuc tai x=4.

D. Tét ca déu sai.

3x—2 khi x<1

x*+4 khi x>1

A. Ham s6 lién tyc tai x=1. B. Ham s6 lién tuc trén (—oo;1] .

Céu 17. Cho ham s f (x) = { . Chon khiang dinh dung trong cac khang dinh sau:

C. Ham s6 lién tuc trén [1;+oo) . D. Ham s6 lién tuc trén R..
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x* =1

f(x)z x+1
m* —2,khix=-1

,khi x #—1

Cau 18. Cho ham s .
C6 bao nhiéu gia tri m e Z dé ham sb f(x)lién tyc tai x=-1?

A. 0. B. 1. C. 2. D. 3.
Cau 19. Tinh: Izlim('\/n2 -3n+12 —n).
A.]:—é. B. 71=0. C.I:—E. D. [ =—w.
3 2
Cau 20. Cho hinh t&r di¢n ABCD c6 trong tam G . Ménh dé nao sau day la sai?
A. 4G = (4B+AC+ 4D). B. GA+GE+GC+GD =0
el — —— e D
C. OG=Z(OA+OB+OC+OD) D. AG=§(AB+AC+AD)
Céu 21. Trong cac ham sb sau ddy, ham s ndo lién tuc tai x =—1?
A, y=+/x-1. B. y:x—_i. C. y=+x"-2x+1. D. y= x2—21_
X+ X" -
Cau 22. Giatri cia 4 =lim(vn® +2n+3 —n) bang
A. 0. B. 1 C. +o. D. —o.

Céu 23. Cho hinh hép ABCD.A'B'C'D’ ¢6 tit ca cac canh déu bang nhau. Trong cic ménh dé sau, ménh dé
nao co6 theé sai?

A. ABLDC'. B. BC' L AD. C. AC'LBD. D. BB' L BD.
2
Chu 24. Gid tri lim > bing
-l x 41
A 2. B. 1. C. 0. D. 2.
Cau 25. Cho hinh chop S.ABC c6 SA=S8B=SC va ASB=BSC=CSA. Hay xac dinh goc gitra cdp vecto
SB va AC?
A. 90°. B. 120°. C. 45°. D. 60°.
2 3
Céu 26. Tim [ =lim % 2" *1,
3n” +2n° +1
A. 0. B. 1. c.l D. -=.
3 3
Ciu 27. Biét lim (\/sz +2x+xx/§)=a 5+b v6i a,beQ. Tinh S=5a+b.
A. S=5. B. S=-5. C.S=-1. D. S=1.
2
Céu 28. Tinh 7=1lim(3—n),|— ;-
n
A [=—. B. [=1. C. I=-1. D. 1=0.
Cau 29.Gidtricia A= lim(\/n2 +2n+2+ n) bang:
A 2. B. 1. C. +. D. —».
Cau 30. Cho hinh 1ap phuong ABCD.A'B'C'D' canh a. Tinh AB.A'D.
A. 24°. B.0. C. da%. D. 44°.
2 - A
Cau 3l lim 2 F3%72 papg
x—>-2 X _4
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A. 2. B.—é. C.l. D.é.
4 4 4
CAu 32. Cho hinh hop ABCD.A,B,C,D,. Trong cac khang dinh sau, khang dinh nao sai?
A AC+AC= T4, B. G4+ AC=CC.
C. AC,+ AC=24C. D. AC,+CA4 +2C,C =0.
. . aN2x’ 2017 1 : o
Cau 33. Cho s0 thuc athdéa man lim av2x” +3 +2017 =—. Khi d6 gid tri cua ala
v 2x+2018 2
A. a:l. B. a:—l. C. azﬁ. D. azﬁ.
2 2 2 2

Cau 34. Cho hinh chép S.ABCD c6 SA=a, SB=2a, SC=3a, ASB=BSC=60°, CSA=90°. Goi & 1a

goc giita hai dudng thang S4 va BC . Tinh cosa .

A. cosa=—7. B. cosaz——7. C. cosa=0. D. cosa=£.
7 7 3
2
x"—16 .
Cau 35. Tim m dé ham sb f(x)=1 x-4 khix >4 lién tuc tai diém x=4.

mx+1 khix<4

A. m=8. B.mz—z. C.m:Z. D. m=-8.
4 4

PHAN II: TU LUAN

Chu 36. Cho day s6 (u,) dugc xéc dinh béi 2(2u, +1) . Tinh limu, .
u A =——= 3 ;Vne N*
u, +

Cau 37. Tim gidi han : lim(L— 3 ]

=il-x 1-x°

Cau 38. Chimg minh ring phuong trinh (1 —m’ )x5 —3x—1=0 ludn c6 nghiém.

Cau 39. Cho ta dién ABCD c¢b6 AC =a,BD=3a.Goi M va N lan luot 1a trung diém ctia 4D va BC

AC vuong gbéc voi BD . Tinh MN .
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Céu 1. Cho hai ddy s6 (u,), (v,). Chon ménh dé sai.
A.Néu limu, =+, limv, =+ thi lim(u, —v,)=0.
B. Néu limu, =2017, limv, =+ thi lim(u,.v, )= +o.

C. Néu limu, =2017, limv, = —co thi lim(u—”] =40,
%

D. Néu |un|Svn, VneN va limv, =0 thi limu, =0.

Céu 2. Hinh chiéu cta hinh chir nhat khong thé 13 hinh nio trong céac hinh sau?

A. Hinh chir nhat B. Hinh thoi ‘ C. Hinh thang D. Hinh binh hanh
Cau 3. Trong cac gidi han sau gidi han nao bang —1?
2 2_
A lim 273 B. lim 2= 2
—2n" -4 —2n" -1
2 3
C. lim—22 =2 D. lim 22>
—2n” +2n . —2n" —1 i i
Céu 4. Cho hinh hop ABCD.A'B'C'D'. Goi I, J lan lugt 1a trung diém ctia AB' va CD'. Khang dinh nao
dudi day la dang?
A. Al=CJ. B. DA =1J. C.BI=DJ. D. AT=JC.

Cau 5. lim 2x -1 bang

X—>+0  x _1

A. 2. i B. 1. C. 1. D. 2.
Cau 6. Tim khang diinh dtng?

A. limx=x,. B. liqu=0(q21).

C. lim x* = —o0. D. lim x’ =+

Cau 7. Khang dinh nao sau day 1a dung?

A. Tanéi day s6 (u,) c6 giéi han +oo khi n— +o0 néu u, c6 thé nho hon mot s6 duong bat ki, ké tir mot
s6 hang nao do tro di.

B. Ta noi day ) (un) c6 gioi han —oo khi n — +oo néu u, co thé 16n hon mot sd duong bét ki, ké tir mot
s6 hang nao d6 tro di.

C. Tanéi ddy s6 (u,) c6 giéi hanlasé a (hay u, dan t6i a) khi n— +o, néu lim (u, —a)=0.

n—+w0

D. Ta no6i day sb (u,) c6 gi6i han1a Okhi n dan t6i vo cyc, néu |u,| c6 thé 16n hon mot s6 duong tiy ¥,
ké tir mot s6 hang nao do tro di.

2)x+1]-5vx* =3

Cau 8. lim bang.
x—>-2 2x+3
1 1
A. 3. .= C.7. D. —.
7 3

Céu 9. Cho mot ham s f (x) . Khing dinh nao sau day 1a dung?
A. Ca ba khang dinh trén déu sai.
B. Néu ham s6 lién tuc trén (a;b) thi f(a).f(b)<O0.

[ Trang 1/4 - Ma dé 002 ]




C.Néu f(a).f(b)<O0 thi ham sb lién tuc trén (a;b).

D. Néu ham s6 lién tuc trén (a;b) va f(a).f(b) <0 thi phuong trinh f(x) =0 c6 nghiém.
Céu 10. Ham sd ndo sau day gian doan tai x=27?
3x—-4
x=2
Cau 11. Trong khong gian, cho cdc ménh dé sau, ménh dé nao la ménh dé dung?

A. Hai duong thang cung vudng goc voi mot duong thang thir ba thi vudng goc voi nhau. i

B. M6t duong thang vudng goc voi mdt trong hai duong thang vuong goc thi song song voi duong thang
con lai.

C. Hai duong thépg cling vudng goc vi mot duong thang thir ba thi song song v6i nhau. i

D. Mot duong thang vuong goc vol mot trong hai duong thang song song thi vuong goc voi duong thang
con lai.

Cau 12. Ménh dé nao dudi day dang?

A. y=tanx. B. y= C. y=sinx. D. y=x"-2x>+1

A. 1im(2019n+n” )= —. B. lim(2019n—n" ) = —o.

C. 1im(2019n-n" ) =+o0. D. 1im (2019 +n)=2018.
Céu 13. Cho hinh lap phuong ABCD.A'B'C'D' . Tinh goc giira hai dudng thing B'D’ va A'A.

A. 30°. B. 45°. C. 60°. D. 90°.
Cau 14. Tinh lim ! .

-3 x =3

A. +o0. B. —é. C. —o0. D. 0.

Cau 15. Tinh lim—2"
3n+1
A. 5. B. 7. C. _2_ D.l.
‘ 3 3

Cau 16. Trong cac gidi han sau, gidi han nao bang +oo ?

A lim (2x" +x°+7). B. lim (—4x’+2x" +3).

C. lim (—4x2+7x+1). D. lim (1—x3—x4).
Céu 17. Trong cac gidi han sau ddy, gi6i han nao bang0 ?

2 5.3 _f3 2
n- —2n B. lim n+4 C. limn 6n D lim3n +n+1.

S +7 3 +5 4n* +9 it ron?
aN2x*+3+2017 1

A. lim

Cau 18. Cho sb thuc athéa man lim =—.Khi do gia tricta ala
x40 2x+2018 2
A. a:—l. B. a=£. C. azﬁ. D. a:l.
2 2 2 2

Cau 19. Cho hinh chop S.ABCD ¢4 tht ca cac canh déu bang @. Goi I va J 1an luot 12 trung diém cua SC
va BC. S do cua goc (1J,CD) bang

A. 60°. B. 90°. C. 30°. D. 45°.
Céau 20. Cho hams6 f(x)=4 x-1 . Pé ham s6 lién tuc tai x=1 thi a nhan gia tri 1a
ax+2 (x<1)
A.l. B. 1. C. 7 D.O.
2 4
Cau 21. Cho hinh tir dién ABCD c6 trong tdim G . Ménh dé nao sau day sai.
A. 0G=-(0d+0B +0C+0D). B. GA+GB +GC+GD =0.
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C. 4G =2(4B+AC+4D). D. 4G =~ (4B+ AC+4D).
3 4

Cau 22. Tinh gidi han hm (Vx> =x+1-x).

A. 400, B. —%. C. —o. D. 0.
Céu 23. Tim khang dinh dang trong cac khing dinh sau:
(I). f(x)=x5 —x"+1 lién tyc trén R .

1

(). f(x)= T lién tuc trén khoang (~1;1).
(III). f(x)=+x—2 lién tuc trén doan [2;+x).
A. Chi (1) va (II). B. Chi (1) va (1I).
C. Chi (1) va (1). D. Chi (/) dung.
Cau 24. Gid61 han hmﬂ bang
4n* +2n+1
A. 0. B.g. C. +o. D.E.
7 4

Cau 25. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh, SA =SB =2a, AB=a. Goi ¢ la goc
gitra hai véc to CD va AS. Tinh cosp?

A. COS(p:Z B. cosgozl C. cosr/):—Z D. cosp=——
8 4 8
Yx-1
Céu 26. Cho ham s flx)y=1 *~ 1 . Khang dinh nao sau day dang nhat ?
= khi x=1
A. Tt ca déu sai. B. Ham s6 lién tuc tai x =1.
C. Ham s0 lién tuc tai moi diém. D. Ham s6 khong lién tuc tai tai x=1.
Cau 27. lim[n (\/n2 +2 —~n* -1 )} bang
3
A.E. B. 1,499. C.0. D. 4.
Cau 28. Cho ham sé f(x)=+/2x—x* . Ménh dé nao sau day 1a dang?
A. Ham sb lién tuc trén (O; 2) . B. Ham s lién tuc trén (—oo; 0).
C. Ham s6 lién tyc trén(2;+o). D. Ham s6 lién tyc trén(-2;2).

Céu 29. Biét: 11m(3n +3—/9n’ —8n) =—véi a,bla cac s nguyén duong va Zla phan sé t6i gian. Khi d6

2a —7b bang
A. 1. B. 5. C. 26. D. 10.

Cau30. lim ~—— bang
22 x =2
A, 27, B. 2. C. 2%, D. +©.
Cau 31. Cho hinh chop S§.4BC c6 canh bén SA vuong goc voi mat phéng (ABC ) va tam giac ABC vuodng
tai B.Ké duong cao AH cua tam giac SAB . Khing dinh nao sau diy sai?
A. AH L AC. B. AH 1 BC. C. SA 1L BC. D. AH L SC.
Cau 32. Cho hinh 1ap phuong ABCD.EFGH c6 canh bang a . Ta c6 AB.EG bang?
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a’\2

A. *\2. B. a°. C. *\3. D. :

Ciu 33. Cho hinh chép S.ABCD. Goi M,N,P,O,R,T lan luot 1a trung diém cua AC,BD,BC,
CD, SA,SD Bbén diém nao sau day dong phing?

A. M,N,R,T. B. P,O,R,T. C. M,P,R,T. D. M,Q,T,R.
Cau 34. Tim giéi han ham sb lim —““24_2 bang dinh nghia.
x—> X
A. 1. B. +o. C.é. D. -2
o . \/1+5+---+(4n—3) .
Céau 35. Gi6i han lim 5 bang
n_
A. 0. B. 1. C. +. D.g.
PHAN II: TU LUAN
2
Cau 36. Tinh gi6i han lim n”tn-l=3n .
2n+1
A N . 1 1
Cau 37. Tim gidi han : lim -—
-2\ x—2 x -4

Céu 38. Cho 3 sd a,b,c théa man 12a+15b+20c =0. Ching minh phuong trinh ax? + bx +c¢ =0 ludn c6
» A 4
nghiém thudc 0;§ .

Céau 39. Cho tir dién ABCD ¢o cac canh ddi bang nhau ting d6i mot, AC = BD =a, AB=CD =2a,

AD = BC = a+J6 . Tinh goc giira hai duong thang 4D va BC.
------------- HET -
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Cau 1. Tinh gidi han limw.
2n+1

A. 4. B. 2. C. 2018. D. %

Cau 2. Tinh gidi han lim 1 la
X—>—0 x

A. 0. B. 1. C. —«o. D. +©.
Céu 3. Tinh lim (-2x° —4x” +5)

A. —o0. B. +o0. C.3. D. -2.

[.2
Cau 4. Tim gidi han D = lim M
e 2%+ x+1+x
A. 4o, B. —oo. C.%. D.0

Céu 5. Ménh dé nao sau déy la ding?

A. Goc giira hai dudng thing a va b bang goc giita hai dudng thang a va ¢ khi b song song hoic tring vai
c.

B. Goc gitra hai dudng thang bang goc giira hai vécto chi phuong cia hai dudng thing do.

C. Goc giita hai duong thing 1a goc nhon.

D. Géc giita hai duong thing @ va b bang goc giira hai dudng thang a va c thi b song song vdi c.

Cau 6. lim 2573 c6 két qua Ia

A
A, —o0. B. +x. C.9. D. 0.
2
Ciu 7. Gigi han Tim = > bing
ool x4 2
A. —%. B. 2. C. 1. D. 2.
Cau 8. Cho f(x)=x"-x’-1;g(x)=cosx. Tim khang dinh sai?
\ £ A N . £ f(x) n A
A. Ham so f(x)+g(x) lién tuc trén R. B. Ham s6 ( ) lién tuc trén R .
g(x
C. Ham s f(x)—g(x) lién tuc trén R. D. Ham s f(x).g(x) lién tuc trén R.
Cau 9. Chon ménh dé ding trong cac ménh dé sau:
A.Néu lim|u,| = +oo0, thi limu, = —o0. B. Néu limu, =0, thi lim|u,|=0.
C.Néu limu, =—a, thi lim|u,|=a. D. Néu lim|u, |=+o0, thi limu, =+o.
Ciu 10. Tim 7 =lim>"—2 |
n+1
A.1=2 B.71=0 C.1=-2 D. 1=3

Céu 11. Trong cic ménh dé sau ménh dé nao ding?
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A. Ba vecto a, Z;,E' d6ng phang néu co6 mot trong ba vecto d6 bang vecto 0 .

B. Ba vecto a,b,c¢ ddng phang khi va chi khi ba vecto d6 cting c6 gia thugc mot miat phang.

C. Cho hai vecto khong cung phuong a va bva mit vecto ¢ trong khong gian. Khi d6 a,b,c dong phang
khi va chi khi ¢6 cip s m, n duy nhét sao choc = ma+nb .

D. Ba vecto a,b,c dong phang néu co hai trong ba vecto d6 cing phuong.

Céu 12. Cho bén ham s f;(x)=2x"-3x+1, f,(x)= 3x—+21 fi(x)=cosx+3 va f,(x)=log,x. Hoi cb
bao nhiéu ham sb lién tuc trén tap R?
A. 3. B. 4. C.2. D. 1.
Cau 13. Phat biéu ndo trong cac phat biéu sau 14 sai?
A. 1imik=0 (k>1). B. lim~ = 0.
n n
C. limg"=0 (|q|>1). D. limu, =c (u, = ¢ 1a hang s).

Cau 14. Khang dinh nao sau day sai?

A. Phép chiéu song song c6 thé bién duong tron thanh duong elip.

B. Phép chiéu song song co thé bién dudng tron thanh mot diém.

C. Phép chiéu song song c6 thé bién duong tron thanh duong tron.

D. Phép chiéu song song c6 thé bién duong tron thanh doan thang.
Cau 15. Trong cac ménh dé dudi day ménh dé diang 1a? 7

A. Hai duong thang phan biét cung vudng goc voi duong thang thir ba thi vuéng goc véi nhau.

B. Trong khong gian , hai duong thang phan biét cung vuong géc voi duong thang thir ba thi song song voi
nhau.

C. Hai dudng thang phan biét vuong goc voi nhau thi ching cit nhau.

D. Cho hai duong thang song song, duong thang nao vudng goc voi duong thing thir nhét thi ciing vudng
goc v6i duong thang thi hai.

Céu 16. Gi6i han lim(n® +4n” ~1) bing

A. 0. B. —©. C. 1. D. +o.
Céu 17. Cho ti dién déu ABCD. Goi M, N lan luot 1a trung diém ciia AB va CD.Ménh dé nao sau day
sai?

A. MN 1 AB. B. ABLCD. C. MN L CD. D. MN 1 AD.
J— 4 _—
Cau 18. Gid tri cta lim >0 Y20 3072 1,
4n—~3n% +2
A. +o0. B. 3_\/5.
4-3
C. Khong ton tai. D. —o.
n N 5 5 ey s R , Clo+2 L
Ciu 19. Bict 11m(x/4n +51—2020 —~/4n —3n+2019)=a0.G1a tri biéu thirc 7 = 1bang
a,+
A. Tzé. B. T=2. C. T:i. D. Tzé.
3 3 2
X =3x+2 .
A croas o A 2 1. 4 ————— khix#1 ., . \
Cau 20. Gia tri cua tham so m dé ham so f(x)= x—1 lién tuc tai x, =11a
m khi x=1
A. 2. B. 1. C. 1. D. 2.

Cau 21. Cho tir dién ddu ABCD canh a, M 1a trung diém canh BC . Khi do, cos(m) bing
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AL B Y3 c. V3 p. Y2
2 2 6 2
sin 5x

Céu 22. Chohamsd f(x)=1 5x *0 Tim 4 dé f(x)lién tyc tai x=0.
a+2 x=0

A. 1. B. 1. C. 2. D. 2.
Cau 23. Cho hinh ling try tam giac déu ABC.A'B'C’ ¢6 canh déy bing @, canh bén bang 2a. Tinh AB'.BC .
A AFBC--a’.  B.ABBC--_a'. C.ABBC-1a.  D.ABBC-d’

Ciu 24. Tim khang dinh diing trong cic khang dinh sau:

1
I -
(1) f(x) NS
(II) f(x) SY g gidi han khi x — 0.
X

lién tuc trén R .

(IIT) f(x)=v9—x" lién tyc trén doan [-3;3].

A.Chi (I)va (II). B. Chi (II')va (1I).
C. Chi (II). D. Chi (/).
3 2
CAu 25. Cho day s6 (u,) c6 u, =n3—2—n;-1. Khi d6 limu, bang
n +
A. +o0. B. 0. C. —o. D.%.

4—x* -—2<x<2
1 x>2

Céu 26. Cho ham s f (x) = { . Tim khang dinh ddng trong cac khing dinh sau:.

(1) f(x) khong xac dinh tai x =3.
(U) f(x) lién tuc tai x =-2.

(£11) lim f (x) =2
A.Ca (1); (I); (1) déu sai. B. Chi (I).
C. Chi (I)va (/). D. Chi (1) va (1I).

Ciu 27. Cho hinh hop ABCD.4,B,C,D,. Tim gid tri cia kthich hop dién vao dang thic vecto:

AB+B,C,+DD, =k AC,

A. k=1. B. £=0. C. k=2. D. k=4.
Cau 28. Chon két qua dung trong cac két qua sau ciia }Ln}l % 1a?
A. —0, B. 0. C.%. D. +oo
CAu29. Tim mdé A<4vi A= lim (22" —x—m’+3).
A. mz—x/E,m:\/E. B. m>+2.
C. V2<m<+2. b, |72
m>~2
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Cau 30. lim (\/x+1 —\/x—3) bing

X—>+0

A. —oo. B. +oo. C. 0. D. 2.

Cau 31. Cho diy s6 (u, ) thoa man u, =n+2018 —v/n+2017,Vn e N'. Khing dinh nao sau day sai?

A. Day s6 (u,)l1a day ting. B. limu, =0.
C. O<u <—1— VneN' D. lim 2zl -
’ " 2.J2018° ' R u, ’

Cau 32. Cho tir dién 4BCD ¢5 4B =a, BD=3a.Goi M va N lan luot 14 trung diém cua 4D va BC . Biét
AC vudng goc voi BD . Tinh MN
3a2 2a4/3 a10 a6

A. MN = . B. MN = . C. MN = D. MN =
2 3 2 3

Cau 33. Cho hai diém phan biét 4, B va mot diém O bat ky khong thudc duong thang 4B . Ménh dé nio sau
day la dang?
A.Diém M thugc duong thing 4B khi va chi khi OM =kOA+(1-k)OB.

B. Diém M thuoc dudng thing 4B khi va chi khi OM = OB = k(OB —-0A).

C.Piém M thudc duong thing AB khi va chi khi OM = O4+OB.
D. Piém M thudc duong thing AB khi va chi khi OM = OB =kBA.

Cau 34. Tinh gi6i han T = lim(\/l6”“ 4 16 43" )

A.T:L B.7T=0 C.T:l D.T:l
16 4 8
Cau 35 lim—'x—H_2 =2 Khang dinh nao sau day la dung?
S 2x—1-1 b ' '
A. a+b=-5 B. a+b=2 C. a+b=1 D. a+b=5

PHAN II: TU LUAN

Cau 36. Tinh gi6i han lim(2n —+n’ +2n-2 )
Cau 37. Tim giéi han sau: lim (\/x2 +1-R/x° —1)

xX—>+0

3x—5 khi x<-2

, . V6i gia tri nao cia , thi ham s6 f (x) lién tuc tai
ax—1 khi x>-2

Céu 38. Cho ham s f(x):{
x=-2?
Céu 39. Cho hinh lap phuong ABCD.A'B'C'D’ c6 canh bang a. Trén cac canh DC va BB’ ta lan luot ldy
cac diem M va N sao cho DM = BN =x véi 0 < x < a. Chirng minh rang AC" vudng goc voi MN .
------------- HET -
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TOAN 185 NGUYEN LO TRACH

PHAN I: TRAC NGHIEM KHACH QUAN
Cho hinh 1ap phuong ABCD.A'B'C'D’ (hinh v& bén duédi). Goc giita hai duong thang ACva A'D

Cau 1.
bang
A’ B’
h
i
O
i
Dl ) E C’
—
I
b
Lo
roo
! A‘i ---------------------- » B
! . ~
i g
I S
o/ N
ti." \\\\
D C
A. 30°. B. 60°. C. 90°. D. 45°.
—3x-1_.
bang
C. 40, D. —0.
v}’l

x+1

B.2.
B.Néu limu, =a va limy, =+o0 thi lim=2 =0

Cau 2. Gi6i han }g?
A, 2.
Cau 3. M¢nh d¢€ nao sau day sai?
A. lim—=0 véi k 1a sd nguyén duong.
D.Néu limu, =a va limv, =b thi limv—” =

n
C. Néu |q| <1 thi limg" =0.
Cau 4. lim(n4 —2n° + 3) bang
A. 4. B. +o. C. —w. D. 1.
Cau 5. Qua phép chiéu song song, tinh chit nao khong dugc bao toan?
A. thang hang. B. Chéo nhau. C. dong qui. D. Song song.
2
. 1 . ; .
CAu 6. Cho ham s0 f'(x) = — al 5+ Khi d6 ham s6 y = f'(x) lién tuc trén cac khodng nao sau day?
X" +Ix+
B. (—3;2). C. (—2; +oo) . D. (—oo;3) .
D. 2.
16

A. (2;3).
x+l)2 bﬁng
C. —o.

Cau 7. Gi6ihan lim
x—>-2 (x +2
B. +o.

A. 0.
Céu 8. Ménh dé nao sau day 1a ding?
B. Hai duong thang phan biét ciing song song v4i mot mit phing thi song song véi nhau.

C. Hai dudng thang phan biét cing vudng goc v6i mot mat phang thi song song véi nhau.
D. Hai duong thang phan biét cung vuong goc véi mot duong thang thi vuong gdoc véi nhau.
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A. Hai duong thang phan biét ciing vudng goc v6i mot duong thang thi song song voi nhau.

Cau 9. Tinh gi6i han 1in3(2x2 +3x-5).



A. 3. B. 2. C. 5. D. 0.
Cau 10. Phét biéu nio trong cac phat biéu sau Ia sai?

1 1
A. lim—=0 (k>1). B. lim—=0.
1mnk ( >1) 1mn
C. limg"=0 (|¢q|>1). D. limu, =c¢ (u, =c 1a hing s6).
1 .
Cau 11. Gia tri cia C =lim———— bang:
n’ +2n+7
A. 1. B. +o. C. —o. D. 0.
Cau 12. Giastrtaco lim f(x)za va lim g(x):b.Trong cic ménh dé sau, ménh dé nao sai?
. f(x) a :
A. lim =—. B. Iim| f(x)+g(x)|=a+b.
xa+oog(x) b xﬂ+w|: ( ) ( ):|
C. lim [f(x).g(x)]za.b. D. lim [f(x)—g(x)]za—b.
Cau 13. Gié trj cita lim>—"" bing
n+l
A. 0. B. 1. C. 2. D. -1.
Cau 14. Tinh gi6i han lim 2"
oo x 4]
A. 2. B. 1. C. % D. 1

S

Céu 15. Cho ham s y = f(x) xdc dinh trén khoang (a;

lién tyc tai x, néu

) va x, €(a;b). Him sé y = f(x) dugc goi 1a

A. lim f(x)=a. B. lim f(x)=b.
C. lim f(x)= f(x,). D. lim f(x)=x,.

CAu 16. Cho hinh hop ABCD.A'B'C'D' . Thuyc hién phép toan u=A'D'+ AB + A'A.
A.u=BD. B.u=AC. C.u=BC. D.u=BA.

Cau 17. Cho hinh ling tru déu ABC.A'B'C’ c6 canh day bang 1, canh bén bang 2. Goi C, 1a trung diém cua
CC' . Tinh cosin cua goc giita hai duong thang BC, va A'B’.

N B 2. .2 p. Y2
4 3 8 6
Cau 18. Cho hinh chop S.4BC, goi G la trong tdm tam giac ABC. Ta co
A. SA+SB+SC=3SG. B. SA+SB+SC = 45G .
C. SA+SB+SC=5G . D. SA+SB+SC=25G .

Ciu 19. Gi6i han lim(x/nz +2n —~In? - 2n) bing
Al B.2. C. 4. D. 4.

x =1

Cau 20. Cho ham s £ (x)= va f(2)=m’-2v6i ¥#2_ Giatrj cua ™ dé f(x) lién tuc tai ¥=21a:

x+1
A. 13 B. 3. C. /3. D. /3.
Cau 21. Tim lim —"2 Kétquala

23x+10+x
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A.i. B. 4. C.7. D.

7

INGIEN |

Céu 22. Biét lim(n +1-/n" - n) :%véi a,b1a cac sb nguyén duong va %lé phan s6 toi gian. Khi d6 a +b

bang
A. 1. B. 5. C. 2. D. 3.
Ciau 23. Gia tri cia B= lim(\3/n3 +9n* — n) bang:
A. 40, B. —o. C.0. D. 3.
3 2
Cau 24. Két qua ctia lim 2n_+n 2+ 1 bang
(n+1)(2n —1)
A. 2. B. 3. C. 1. D. 0.
CAu 25. Cho tir dién ddu ABCD. Tich v6 huéng AB.CD bing?
2 2
AL B. 0 c.-L D. &’
2 2
2x+1

Cau 26. Cho hamsé f(x)= , ham sb da cho lién tuc trén khoang nao duéi day?

A. (=2:2). B. (_%;mj.
C. (1;4). D. (-é;zj.

3

3
. . -2 .
Cau 27. Két qua cua lim (uJ bang

2n” +1
A. 3 B. 0 C. -1 D. %
Céu 28. Cho tir dién ABCDc6 G 1a trong tim tam gia BCD Khang dinh nao sau ddy ding?
A. 4G =~ (4B +4C+4D). B. 4G =~ (4B +AC+ D).
C. 4G = (dB+4C+4D). D. 4G =3 (dB+AC+AD).

Céu 29. Cho tir dién ABCD c6 AB= AC = AD va BAC = BAD =60°, CAD =90°. Goi I va J lan luot la

trung diém ctia 4B va CD. Hay xac dinh goc gitra cip vecto IJ va CD?

A. 45°. B. 90°. C. 60°. D. 120°.
" , .. ) 1-x
Cau 30. Tinh géi han L = 1x1£r11 N
A. L=2. B. L=-2. C. L=-6. D. L=-4.
1-x° .
Céu 31. Cho ham s§ f(x)=4 x—1 khi x 21 . Véi gia tri nao ctia m thi ham sd lién tuc tai x =1
2mx+1khix=1
A. -2 B. -1 C.1 D. 2
JV1+2x —1 .
Cau 32. Chohamsd f(x) = x i x>0 . Ménh d nao sau ddy dung?
1+3x khi x<0
A. Ham sb gian doan tai x=1. B. Ham s lién tuc trén R .
C. Ham s6 gian doan tai x =3. D. Ham sé gian doan tai x=0.
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Céu 33. Cho tar dién 4BCD c¢6 AB= AC va DB = DC . Khiang dinh nao sau diy dang?

A. CD L AB. B. AC L BD. C. BC 1 AD. D. BCLCD.
Chu 34. Tinh lim (\/x2 —Ax+2 —x)
A. 4. B. 2. C. 4. D. 2.

. . x> +ax+1khix>2 o )
Cau 35. Tim a dé€ hamso f(x)= c6 gi¢i han khi x — 2.
2x* —x+3a khix <2

A 2L B. L. C. 1. D. 1.
2 2
PHAN II: TU LUAN
Céu 36. Tinh gi6i han limo—>4"
6.7" +8"
Cau 37. Tim giéi han : lim| x-— =% |
N N

Y6x =5 —Vax =3 khi x#1

Cau 38. Tim céc gia tri ciia tham s6 m dé ham sb f(x) = (x=1)° liéntuc tai x=17?
2019m khi x=1

Cau 39. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng va SAB, SAD la cac tam giac vudng tai 4.
Goi AE, AF lan lugt 1a cac dudng cao cua tam giac SAB va SAD . Chimg minh EF vudng goc véi SC.
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PHAN I: TRAC NGHIEM KHACH QUAN

Cau 1. Tim lim(n’ —4n” +3).
A. 0. B. 1. C. +o. D. —oo.
Céu 2. Cho ham s6 f(x) xac dinh trén [a;b] . Tim ménh d ding.
A. Néu ham s6 f(x) lién tuc, tang trén [a;b] va f(a)f(b)>0 thi phuong trinh f(x)=0 khong co
nghiém trong khoang (a;b).
B. Néu phuong trinh f (x) = 0 c6 nghiém trong khoang (a;b) thi ham s6 f (x) phai lién tuc trén (a;b).
C.Néuham s0 f(x) lién tuc trén [a;b] va f(a)f(b)>0 thi phuong trinh f(x)=0 khong c6 nghiém
trong khoang (a;b).
D. Néu f(a)f(b) <0 thi phuong trinh f(x) =0 c6 it nhat mot nghiém trong khoang (a;b).

Cau 3. Biét limu, =5; limv, = a; lim (u, +3v,)=2019, khi do a bang

A 671, B 222 c. 28 p. 222
3 3 3
. 1
Cau 4. Tim gioi han 4 = lim 2x+ .
=2x 4+ x+4
1
A. —0. B. —g. C.1. D. +o0.
Cau 5. Ham s nao trong cac ham s6 duéi day khong lién tyc trén R?
A.y=|x|. B.y=i. C. y=sinx. D.y:L.
x+1 |x|+l

Cau 6. Cho hinh ling try tam gidc ABCA'B'C'. Pit AA'=a, AB=b,AC =¢,BC =d . Trong céc biéu thic
vécto sau day, biéu thirc ndo ding.

A.a+b+c=d. B.a=b+c. C.a+b+c+d=0. D.b—c+d=0.
Cau 7. Gidi han lim ! bang
x—=>a X—a
A. 0. B. +o0. C. —©. D. —i.
2a
Cau8. Gidsitacod lim f(x)=a va lim g(x)=b. Trong cdc ménh dé sau, ménh dé nao sai?

A. lim [f(x)+g(x)]:a+b.

x>+

B. lim [f(x)g(x)] =a.b.

X—>+0

C. lim I:f(x)—g(x)]:a—b.

X—>+00
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Cau9. lim (x3 +5) bang

A. 0. B. 1. C. —0. D. 5.
Céu 10. Cho hinh 1ap phuong ABCD.A'B'C'D’ c6 canh bing a. Goi M,N lan luot 1a trung diém cua
AD,CD . Géc giita hai duong thang MN va B'D' 1a

A. 90°. B. 45°. C. 60°. D. 30°.
Céu 11. Trong khdng gian cho céc dudng thang a,b,c va mit phang (P). Ménh dé nao sau day sai?

A.Néu a L(P)vab//(P)thialb.

B.Néu a Lb,c Lb va a cit ¢ thi b vudng goc voi mit phang chira a va c.
C.Néu a//b va blc thicla.

D.Néualbva blc thiallec.

Céu 12. Chon ménh dé dung trong cac ménh dé sau day? .

A. Trong khong gian hinh biéu dién cua mot goc thi phai 1a mot goc bang no.

B. Trong khong gian hai dudng thang chéo nhau thi khong c6 diém chung.

C. Trong khong gian hai dudng thang phan biét cing song song véi mdt mat phang thi song song voi
nhau.

D. Néu mit phang (P)chira hai dudng thang cting song song véi mit phang (Q) thi (P)va (Q)song song

v6i1 nhau.
2 - A
Cau 13. lim 2% — bang:
X—>+o0 3 -Xx
1 1
A. 2. B. 2. C. —. D. —.
3 3
5 A3
Céu 14. Tim lim o222 *1
4n’ +2n° +1
A. 4. B. 8. C. 1. D. 2.
Cau 15. lim 3n=2 bang.
n+3
2
A. 3. B. 2. C. —5. D. 1.
Cau 16. Cho ¢ 1a s6 thuc thoa ¢ > 1, két qua cta limg” bang
A. +o. B. g. C.0. D. .
Cau 17. Gid tri cua. F = lim(\/n+1 +n) bang:
A. 1. B. —©. C.0. D. +w.
2
Cau 18. Tinh gidi han limw.
3n-2
1
A. —2. B. 1. C.——. D. +w.
3 3
(202 +1) (n+2)"
Cau 19. Gia tri cia C =1lim T bang:
n’+1
A. 1. B. +©. C. —o. D. 16 .

Céu 20. Cho hinh chép S.4BCD . Goi O la giao diém cua AC va BD. Trong cac khang dinh sau, khang
dinh nao sai?

A.Néu ABCD l1a hinh binh hanh thi S4+ SB+SC +SD =480

B. Néu ABCD 1a hinh thang thi SA+SB+2SC +28D =650

C.Néu S4+SB+SC+SD =480 thi ABCD 1a hinh binh hanh.
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D. Néu SA+SB+2SC+28D =650 thi ABCD 1a hinh thang.

x*—x-2 .
R L ———+2x khix>2 . ) . o .
Céu 21. Cho ham s6 f(x) = x—2 . Khang dinh nao sau day dting nhat ?
x> —x+3 khix<2
A. Ham sb khong lién tuc tai x, =2. B. Tét ca déu sai.
C. Ham sb lién tuc tai xX,=2. D. Ham sb lién tuc tai moi diém.

2
Céu 22. Tim lim— > . Két qua 1a
=3 x° —4x+3

A. 3. B. -3. C. 4. D. 4.
Céu 23. Cho tir dién ABCD . Tim gia tri cta k thich hop théa man: AB.CD+ AC.DB+ AD.BC =k
A. k=4. B. k=1. C.k=2. D. k=0.

Céu 24. Cho hinh lang try ding tam giac ABCA'B'C' c6 ddy ABC la tam giac can AB=AC=a,
BAC =120° ,canh bén AA4' = a2 . Tinh goc giita hai duong thing AB' va BC.

A. 45°, B. 60°. C. 90°. D. 30°.
Céu 25. Cho hinh hop ABCD.A'B'C'D’ . Chon déng thirc diing:

—_—

A. BD'=BA+BC+BB'. B. AC'=AC+AB+AD.
C. DB=DA+DD' +DC. D. AB'=AB+AA'+ AD.
n-2
Céu 26. Két qua dang coalim——— 1a:
3 4+2.5"
A - B.>. c.-B. D. -2,
50 2 2 2
CAu 27. Cho hinh lap phuong ABCD.EFGH , goc giita hai vecto AC, BG la
A. 45°. B. 30°. C. 60°. D. 120°.

Céu 28. Cho hinh chép S.4BCD c6 day 1 hinh thoi tim O va S4=SC, SB=SD . Trong cic ménh dé sau
ménh dé nao sai?

A. BD 1 S4. B. AC 1 54. C. AC L SD. D. BD 1 AC.
X’ =5x+6
Cau 29. Tim lim— .
=2 J4x+1-3
A3 B. -2 c -2 D. L.
2 3 2 2

s . —cos4
Cau 30. Tim gidéi han 4= hmw.
0 cos5x —cos 6x
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A. +o0. B. —o0. C. l D. 0.

T
Ciu 31. Gid trj cia. M = 1im(%’/1—n2 81 + Zn) bing:
1
A -~ B. —o. C. 0. D.1.
12

2
x°—2x

Cau 32. Cho ham s0 f(x)=

chua x4c dinh tai x=0. D¢ f(x) lién tuc tai x=0, can phai gén cho
x

£(0) gié tri 1a bao nhiéu?

A. 0. B. -1. C. 2. D. 3.
Cau 33. Trong cic khang dinh du6i day, khang dinh nao sai?

A. Ham s y=sinx lién tyc trén tap R.

B. Ham s6 y=+/x—3 lién tuc tai diém x=-3.
. z x+1 ., . 4R
C.Ham s6 y =—— gian doan tai diém x=0.
X

D.Ham s y = x* =3x% +2 lién tuc trén tap R.

2x+m khix<0

CAu 34. Cho ham sb f(x)z N+dx—1 . Tim tat ca cac gia tri cia m dé ton tai gidi han
——— khix>0
x
lim f (x).
A.m=1.
B. m=-1.
C. m=3.
D.m=2.
2
x°=5x+6 )
CAu 35. Cho ham sd y= 2x—4 khi x¢2. Tim a dé ham s lién tuc tai x=2.
2a+3 khi x=2
A.a:—z. B.azz. C.a=z. D.a:—z.
4 2 4 2
PHAN II: TU LUAN
u =1

Céu 36. Cho day sb (un) duoc xac dinh boi: . Tinh lim(un — 2)

1 R
u,,=u, +2—n,VI’ZEN

2
Cau 37. Tim gii han : lim 2> "2

x—2 X _8
Céu 38. Chung minh ring phuong trinh: ( nt + m+ 1) » +2x—2=0 luon c6 nghiém.

Cau 39. Cho 4 diém A4,B,C,D trong khong gian. Ching minh ring: AB.CD+ BC.AD+CA.BD =0. Ti d6
suy ra: “Trong mot tir dién néu cé hai cap canh doi vudng goc thi cdp canh con lai ciing vuéng géc.”
------------- HET -
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PHAN I: TRAC NGHIEM KHACH QUAN

Cau 1. Véi k 1a s6 nguyén am, két qua cua gidi han lim n* 1a

A. 1. B. —0. C.0. D. 4o0.
Cau 2. Cho tir dién ABCD. Goi G 1a trong tam tam gidc ABD . Khi d6
A. CA+CB+CD=CG . B. CA+CB+CD=3CG .
C. CA+CB+CD=3GC. D. CA+CB+CD=2CG .
Ciu 3. Gia tri dung cia lim(\/nz 1Bt 2) la:
A. 4. B. —o0. C.0. D. 1.
Cau 4. Trong khong gian cho duong thang A va diém O. Qua O c6 may duong thang vuong goc véi A?
A. V0 s0. B. 2. C. 1. D. 3.
Cau 5. Tim gi6i han 4 = lim (JxZ +xt+1=32x +x—l).
4
A. —o. B. 3 C.0. D. +x.
Cau 6. Trong cac ménh dé& ménh dé sau, ménh dé nao sai?
A.Ham s6 y=2x+1 lién tyc trén R . B. Ham s6 y =cosx lién tyc trén R .
C.Ham s6 y =sinx lién tuc trén R . D. Ham sd y =tanx lién tuc trén R .

Cau 7. Tim gidi han lirrzl(x3 + 1) .
A. 1. B. +o0. C. —o0. D. 9.
S5x khix <0

s . Ménh d nao sau ddy dung?
x“+1 khix>0

Céu 8. Cho ham s6 f(x) ={

A. Ham s6 lién tuc trén R. B. Ham sd lién tuctai x=0.
C. Ham sb gian doan tai x=1. D. Ham sb gian doan tai x=0.
" J g . ox=15_,
Cau 9. Két qua cua gidi han lim la
=27 x —
A. —o0, B. 1. C. 4. D. 0.
Cau 10. Biét limu, =+ va limv, =+ . Khang dinh nio sau day sai ?
. 1 .
A. lim (—j =0. B. lim(-3v,)=—o.
un
C. lim(u,—v,)=0. D. lim(u, +v,) =+
Cau 11. Cho lim f(x) =L;lim g(x) =M ,vé1i L,M R . Chon khéng dinh sai.
A. lim[ f(x)-g(x)]=L-M. B. lim| f(x).g(x)]=LM.
. f(x) L .
C. lim =—. D. lim| f(x)+g(x)|=L+M.
XX g(x) M x~>x0|: ( ) ( )]
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Cau 12. Cho tam giac ABC & trong mp(a) va phuong /. Biét hinh chiéu (theo phuong /) cua tam giac
ABC 1én mp(P)1a mot doan thang. Khang dinh nao sau ddy ding ?

A. (a)=(P) B. (@)//l hodc (o)1
C. 4;B;C déu sai. D. (a)//(P)
Céu 13. Tinh lim—"*2 Két qua Ia
n°+3n-1
A.2. B. 0. C. 1. D.%.

Cau 14. Cho hai dudng thang a,b 1an luot co vécto chi phuong 1a u,v . Gia st (&,\:) =125". Tinh goc gilra
hai dudng thing a,b .

A. 55°. B. 125°. C. -55°. D. —125°.
Cau 15. Tinh giéi han lim 2~ .
2 x+2
A. +oo. B. —o0. C.%. D. 2.

Cau 16. Gi6i1 han limib'ﬁng

n+5n-2
A. 0. B. i C. l D. —é.
2 2 2

Cau 17. Cho tam giac ABC c6 dién tich S. Tim gid tri cia k thich hop théa man:

5= 4B 4c" ~ak(aBac) |
2

A.k:l. B.k=0. C.k=l. D. k=1.
4 2
Cau 18. Cho ham sé f (x) =x’ —1000x” +0,01. Phuong trinh f (x) =0 c6 nghi¢ém thudc khoang nao trong

cac khoang sau day?
L (=10).1L (0;1). L (1;2).

A.Chill. B. Chi III. C.Chi L. D.ChiIvall
Cau 19. Ham s0 nao sau day khong lién tuc trén R ?
x+1 x+1
A. f(x)= . B. f(x)=——.
f(¥)=5 f(x)="7
C. f(x)zsin(x—%j. D. f(x):x3—2x2+x—7.

Cau 20. Cho tir dién ABCD c¢6 G la trong tam tam gidc BCD . bat x = AB; y= AC :Z=AD. Khéng dinh
nao sau day dung?

A. E:%(mwz). B.E:—g(mwz).
C. A—ng()?+)7+2). D. E:—%(f+)7+2).
2
Cau 21. limw bang
=5 25-5x
A.%. B. —. C. —%. D. +o.
5 5
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fx-1

khi x >1
Cau 22. Cho ham s6 f(x) = ;/; —1 . Khing dinh nio sau day diing nhat ?
Pox2 e
x+2
A. Ham sd gian doan tai cac diém x=1 . B. Ham sb lién tuc trén R .
C. Ham s khong lién tyc trén R . D. Ham s6 khong lién tyc trén (1 : +oo).

Céu 23. Hinh 1ap phuong ABCD.A'B'C'D’ canh a . Tinh d6 dai vecto x = A4 + AC' theo a.

A. aﬁ. B. av2. C. (1+J§)a. D. av/6.

2
Céu 24. Cho t dién ABCD ¢6 AB= AC =2, DB = DC =3. Khang dinh nao sau diy dang?
A. DC L (4BC). B. BC L A4D. C. ACLBD. D. AB 1 (BCD).
sin 5x 20
Chu 25. Choham s6 f(x)=1 5x .Tim adé f(x)lién tyc tai x=0.
a+2 x=0
Al B. 1. C. -2. D. 2.
/ 2 /
Cau 26. lim 4n ;1 3 nt+2 bing
n_

A D B. 2. C. 1. D. +o.
Cau 27. Cho tit dién ABCDcé DA=DB=DC=AC=AB=a, ABC =45°. Tinh goc giita hai duong thing
AB va DC.

A. 90°. B. 30°. C. 60°. D. 120°.

2
Céu 28. Biét rang lim [x +21 + ax —bj =—5.Tinh tong a+b.

X—>+w© xX—

A. 5. B.7. C.8. D.6.
Ciu 29. Gi6i han lim(\/nz “n —n) bing

A. +o. B. 0. C._?l. D. .
Céu 30. Trong cac diy sd sau, diy s6 nao 1a ddy c6 giéi han 0?
2 _ 2
A.unz%. B.un:32n .
n —n n +1
3 2
C. un=n2+n‘ D. un=22n—1.
n°+2 n +2n+3
. . . 14345+ 4+(2n+1)
Cau 31. Tinh giéi han lim > .
3n"+4
A.l. B.g. C.1. D. 0.
3 3

Céu 32. Trong khong gian cho hai tam giac déu 4ABC va ABC' c6 chung canh AB va nim trong hai mit
phing khac nhau. Goi M, N, P, O lan luot 13 trung diém cua cac canh AC, CB, BC' va C'A. Hiy xic

dinh gbc gitra cap vecto AB va CC'?

A. 90°. B. 120°. C. 60°. D. 45°.
Cau 33. Tim gi¢i han L =lim cos X
i
2
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A. L=0 B.L:% C.L=1 D. L=-1

Céu 34. Gidi han lim ¥ Sx+3-43 _
X—> X n

A. 8. B. 0 C.6. D. 4.
Cau 35. Gi6i han lim/n (Vi +4 —/n+3) bang

m
m,n,keZ). Tinh m—n+k?
7 )

A. 400, B

o

1
=%

PHAN II: TU LUAN

Céu 36. Tinh tong S = 1.1 + 1.1 +..+ R +
2 3 4 9 2" 3"

xz—(a+3)x+2(a+l)
X’ —4

2x+a khi x<1

Cau 38. Tim ¢ dé ham s6 lién tuc trén R véi F(x)=1—x?+2x-2

Chu 37. Tinh gi6i han ciia ham s6 f(x) = khi x — 2theo a.

khi x>1

x—1

Cau 39. Cho hinh chop S.4ABC c¢6 day 1a tam gidc ddu canh bing 4+/2,SC vuéng goc véi CA va CB,
SC=2.Goi E,F lan luot 1a trung diém canh AB, BC . Tinh goc giita hai duong thing CE va SF .
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PHAN I: TRAC NGHIEM KHACH QUAN

Céu 1. Tinh gi6i han L =1lim (37" +5n-3).

A. L=+, B. L =—o, C. L=5. D. L=3.
Céu 2. Cho hinh chop S.ABCD ¢6 ddy ABCD la hinh chit nhdt, AB=a,AD =2a,SA=a va SA L(ABCD).
Goi M,N lan luot 1a trung diém cia AB va CD. Tinh khoang cach giita duong thang MD va mit phang
(SBN).

A. d(MD,(SBN)):%. B. d(MD,(SBN)):%.
C. d(MD,(SBN))= j% D. d(MD,(SBN))= \/‘;_3
3 2
Cau 3. limM bang
x—>-1 x_2
A.5. B. 1. C.%. D —g.

Cau 4. Trong cac m¢nh dé sau, ménh dé nao ding?

A. Trong khong gian, néu hai dudng thang ciing vudng goc voi mot duong thang thi hai dudng thang d6
song song.

B. Trong khong gian, néu hai duong thang ciing vudng goc voi mot dudng thang thi hai duong thang do
vuong goc voi nhau.

C. Trong khong gian, néu mot dudng thang vudng goc voi mot trong hai dudng thang vudng goc véi nhau
thi dudng thang d6 song song voi duong thang con lai

D. Trong khong gian, néu moét duong thing vudng goc véi mot trong hai duong thiang song song thi
vubng goc voi duong thang con lai.
Ciu 5. Néu limu, = L thi lim,/u, +9 bing

A NL+9. B. L+3. C. L +3. D. L+9.
Céu 6. Tim dang hiru ty cta sb thap phan v6 han tudn hoan P = 2,13131313...,
p=2 B.p =2 c.p=22 p.p=2L
100 99 99 100
. +2 .
Cau 7. Tinh gidi han 11rr21 al 0 ta duoc két qua
X—> x_
A. 3. B. 1. C.2. D. 4.
Cau 8. im=2" bin
n+1
A —= B.l. C. 1. D.g.
3 3 3
2 4.3 .
Cau 9. lim ;13 3n bang
n+5n-2
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A -2, B. L c.<.
2 5 2
Cau 10. Cho hinh chép S.ABCD cé day la hinh thoi tim O va S4=SC, SB=SD . Trong cic ménh dé sau
ménh dé nao sai?

D. 0.

A. BD 1 S54. B. AC L 54. C. ACLSD. D. BD 1 AC.
Yax-2
Cau 11. Cho ham sb f(x) =4 x=2 khi' x =2 . Xac dinh a dé ham sd lién tuc trén R :
ax+3 khi x=2
A.azi. B.a:—i C.a=-1. D.a:l.
3 3 7 6
Cau 12. Cho hinh 1ap phuong ABCD.A'B'C'D"'. Chon khang dinh sai?
A. Goc giita AD va B'C bang 45°. B. Goc gitta BD va A'C"' bang 90".
C. Géc giita AC va B'D' bang 90", D. Goc giita B'D' va AA' bang 60°.

CAu 13. Cho tir dién 4BCD. Goi M, N lan luot 1a trung diém cia 4B va CD. Tim gia tri thuc cua k thoa
mén dang thic vecto MN = k(ﬁ + @)

A k=2 B.k=l. C.k:l. D. k=3.
2 3
. . PO x> +ax+1 khix>2 | . i
Cau 14. Tim a dé hamso f(x)= c6 gidi han tai x =2
2x* —x+1 khi x<2
A. -2 B. 1 C. -1 D. 2
Cau 15. Cho hinh hop ABCD. A, B,C,D, . Khang dinh nio dudi day la ding?
A. BD, B—DI, B—C1 dong phang. B. C—DI, AD, E dong phing.
C. C—Dl, AD, AI—C dong phang. D. 4B, AD, a d6ng phéng.

Cau 16. Cho hinh hop ABCD.A'B'C'D'. Tim gia tri thuc cia k théa min dang thic vecto
Z?+B—A'+k(ﬁ3+C'D):6.

A. k=4. B. k=2. C. k=0. D. k=1.
Cau 17. Cho lim (x—2),|—> - Tinh gidi han do.
x—2* x -
A. +o0, B. 1 C.0. D. —o0.
sin x sin ¢ khix =1
Céu 18. Biét ring lirr(}— =1. Tim gi4 tri thyc cta tham s0 m d€ ham s6 f(x)={ x—1 lién
B m khix=1
tuc tai x=1.
A. m=-1. B. m=1. C.m=-r. D. m=r.
Cau 19. Trong cac gidi han sau gidi han nao bang —1?
2 3 2 2
A. lim 22121 B. lim X "3 c. lim X! D. lim 2X+3
x>0 3x 4+ X xovo 5X° —Xx x>0 x 41 x>0 X7 —5X

Cau 20. Cho hinh hop ABCD.A'B'C'D' ¢c6 AB=a, AC=b, AA' =¢. Goi I l1a trung diém cua B'C’, K 1a

giao diém ctia A’/ va B'D'. Ménh déu nao sau day dung?

A. DK =44 —2b +3¢C. B.ﬁ:§(4&—25+35).

C.ﬁ:%(@'—zz}w). D. DK =4d —2b +¢.
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Cau 21. Timmdéhémséyzf() {g +§“+ llillllllx 2211entuctrenR‘7
x—5m+m’ x <

A.-m=2m=3 B. m=-2;m=-3 C.m=Lm=6 D.m=-1;m=-6
Cau 22. Tinh hm \/_ —a\/— b (a, b nguyén). Khi d6 gia tri cia P =a+b bang
X—> 3 X —
A. 6. B. 10. C.5. D. 7.
Cau 23. Gi6i han lim~/n (\/n +4—/n +3) bing
A. +o0. B.Z. C.l. D. 0
2 2
2x khi x<0
Céu 24. 86 diém gién doan ctia ham s6 4 (x)={x>+1 khi 0<x<2 la:
3x—1 khi x>2
A. 0. B. 1. C.2. D. 3.

x84 4x* +1

Cau 25. Tim gidi han: lim

X0 (2x+1)2019
1 1 1
A- W. B- W. Co 22T. D- O.
2
Céu 26. Két qua cua gi6i han lim i la:
-2 2x* =5x+2
1 1
A, —. B. —o. C. +oo. D. ——.
3 3
Céu 27. Cho tir dién déu ABCD. S6 do gbc giira hai duong thang 4B va CD bang:
A. 60°. B. 30°. C. 90°. D. 45°.

Cau 28. Cho tir dién ABCD va diém G thoa min GA+GB+GC+GD =0 (G 1a trong tim cua tir dién).
Goi G, la giao diém cia GA va mit phang (BCD). Khing dinh nao dudi day 1a ding?

A. GA=-2G,G. B. GA=4GG. C. GA=3G,G. D. GA=2G,G.
2_
Cau 29. Cho a, b 1a céc sb thyuc khac 0. P& gi6i han lim —“‘3xl+“x=3 thi
X—>—00 x_
Ly B. 43 c. =l 5 p. “=l_3,
b b b b

Cau 30. Gia tri cta gidi han lim L+L+ + ! la:
1.2 23 n(n+1)

A. —oo. B. % C. 1. D. 0.
NVx+1-1 .
£ o . . —— khi x>0 .
Cau 31. Tim tat ca cac gia tri thuc cia m dé ham s6 f(x) = X lién tuc trén R .
Vx*+1-m khi x<0
A.m:—l. B.mzé. C.m:l. D.m=-2.
2 2 2

P+2°+3 +..+n°
2n(n+7)(6n+5)

Cau 32. Tinh lim\/
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AL B. . L
6 26 2
Cau 33. Cho tir dién OABC c6 OA, OB, OC d6i mot vuong goc voi nhau va O4A=0B=0C. Goi M la
trung diém ctia BC . Goc giita hai duong thing OM va 4B bang

C D. +o0.

A. 45° B. 90’ C. 30° D. 60’
: . 11 1
Cau 34. Cho day so (un) Voiu, =—+—-+...+ . Tinh limu, .
1.3 35 (2n—1).(2n+1)
AL B. 0. C. 1. p. L
2 4

A . n
Cau35.Thugon S=1—-tana+tan’ @ —tan’ a +... voi O<0{<Z.

tan

A. §S= B. S =tan’ a.

Cl+tana

C.5=— 1 D. s=— %¢

I-tana x/zsin(a+jj

PHAN II: TU LUAN

CAu 36. C6 bao nhiéu gia tri nguyén cia tham sb a thuoc khoang (-10;10) dé

L=lim(5n—3(a2 —2)n3)=—oo.

Céu 37. Biétrang a+b=4 va lim [L— b ] hiru han. Tinh gi¢i han L =1lim ( b —Lj.

ot (1-x 1-%° =t (1-x" 1-x
—Vx+2 .

% khix>?2
x —

Céu 38. Chohams6 f(x)=<x"+ax+3bkhix<2 liéntyctai x=2. Tinh [ =a+b.
2a+b—-6 khix=2

Cau 39. Goi M, N lan luot la trung diém cua cac canh AC va BD cua ti dién ABCD. Goi I la trung
diém cia doan MN va P 1a mot diém bét ky trong khong gian. Tim gia tri thuc ctua k thoa mén dang thirc

vecto ﬁ:k(ﬂ+ﬁ+ﬁ‘+ﬁ)).
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PHAN I: TRAC NGHIEM KHACH QUAN

Ciu 1. Cho céc day s6 («,), (v,) va limu, = a, limv, =+ thi lim== bing
v

n

Al B. 0. C. —. D. +o.
Céu 2. Cho ham s6 f (x) x4c dinh trén [a;5]. Tim ménh dé dung.

A. Néu phuong trinh f (x) = 0 c6 nghiém trong khoang (a;b) thi ham s f (x) phai lién tuc trén (a;b).

B. Néu ham s f(x) lién tuc trén [a;b] va f(a)f(b) >0 thi phuong trinh f(x) =0 khong c6 nghiém
trong khoang (a;b).

C. Néu f(a)f(b) <0 thi phuong trinh f(x) =0 c6 it nhat mot nghiém trong khoang (a;b).

D. Néu ham sé f(x) lién tuc, tang trén [a;6] va f(a)f(b)>0 thi phuong trinh f(x)=0 khong co
nghiém trong khoang (a;b) .

Céu 3. X¢ét trong khong gian, ménh dé nao dudi day 1a dung?

A. Hai duong thang phan biét cing vudng goc v6i mot duong thang thi ba thi song song v6i nhau.

B. Hai dudng thang phan biét ciing vudng goc voi mot duong thang thir ba thi vudng goc voi nhau.

C. Hai dudng thang phan biét cing vudng gbc v6i mot mit phang thi vudng goc véi nhau.

D. Mot dudong thang vudng goc voi mot trong hai dudong thang song song thi vudéng goc véi duong thing
con lai.

3
Caud4.Tim [ = limw.
4n" +2n+1
7 3
A. I =+, B. 1=0. C.I=2. D.[=2.
2 4
2
Cau 5. Gigi han lim™—2X"3 ping?
=l x+1
A. 2. B. 1. C. 0. D. 3.
Céu 6. Cho céc ddy s6 (u,), (v,) va limu, = a, limv, =+oo thi lim= bing
vl’l
A. 4. B. 1. C.o0. D. 0.

Céu 7. Trong cac ménh dé sau day, ménh dé nao 1a dung? 7 7

A. Mot duong thang vuong géc voi mot trong hai duong thang song song thi vudng goc véi duong thang
con lai.

B. Hai duong théng cung vuong goc voi mot dudong théng thi vudng gbéc véi nhau.

C. Hai duong thang cung vudng goc véi mot dudng thang thi song song voi nhau.

D. Mot duong thiang vudng goc voi mot trong hai duong thang vudéng goc thi song song véi dudng thang
con lai.

CAu 8. lim(2n —3n3) la:
A 2. B. -3. C. —». D. +w.
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2n+3n’ .
— 12

Céu 9. Két qua cta gi6i han lim >
4n” +2n+1

A.0 B. 2. c. 3. D. +o.
7 4

Céu 10. Gia trj clia lim (3x —2x+1) bng:

x—1

A. 3. B. +x. C.2. D. 1.
Cau 11. Gi4 tri clia gidi han lirn(%/n3 +1-3n’ + 2) bang:

A. 1. B. 3. C. 2. D. 0.
o o ' (x2+7t21)x7/1—2x—7z21
Cau 12. Gia tri ctia gioi han hng la:
X—> X
21 21 21 21
A B. 2% c. - p. =27
7 5 5 7
, . *4+3x+2  khi <-1 ,
Cau13.Déhamsb y=4" b T3 Jien tuc tai didm x=—1 thi gid trj cia a 1
dx+a khi x>-1
A. —1. B. 4. C.4. D. 1.

Céu 14. Cho hinh chép S.ABCD c6 day 1a hinh vudéng ABCD canh bing a va cc canh bén déu bang a.
Goi M va N lan luot 1a trung diém cia AD va SD. S6 do cua goc (MN,SC) bang

A. 90°. B. 60°. C. 45°. D. 30°.
Cau 15. Cho t dién ABCD. Goi M, N lan luot 13 trung diém cua AD, BC. Khing dinh ndo dudi day la
khang dinh sai?

A. Ba vecto 4B, DC, MN dong phing. B. Ba vecto AB, AC, MN khong ddng phang.

C. Bavecto AN, CM, MN dong phang. D. Ba vecto BD, AC, MN dong phang.
Cau 16. Cho hinh 1ap phuong ABCD.A'B'C'D’ c¢6 canh bang a. Goi G 1a trong tim cua tam giac AB'C.
Khang dinh nao dudi day la dung?

A. AC'=44G. B. BD'=4BG. C. BD'=3BG. D. AC'=34G.
{2\/5 —m khix>0

mx+2 khix<0

Cau 17. Tim tit ca cac gia tri ciia tham sb thyc m sao cho ham sé f (x)= lién tuc trén

R.
A.m=-2. B. m=0. C.m=2. D. m=%£2.
—" 2 —
Cau 18. Gia tri cuia gidi han lim M la:
x—0" X
A. —o0, B. 1. C. +oo. D. 0.
x*=3x+2 )
A , A A = IO —  khix=#1l ek
Cau 19. C6 bao nhiéu so tu nhién m dé ham so f(x) = x—1 lién tuc tai diém x =17
m* +m—1 khi x=1
A. 0. B. 3. C.2. D. 1.
Cau 20. Tinh lim (\/x2 —4x+2 —x)
A. 2. B. 4. C. 2. D. 4.
; . > +13x+
Cau 21. Két qua cia gidi han Tim —— 030 15,

o (x+3)(x2 +5)
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A. 0. C. 2.

2
B. —.
V15

Cau 22. Cho tr dién ABCD co6 trong tam G. M¢énh dé nao sau day la sai?

A. GA+GB+GC+GD =0.

B. 4G =2(AB+AC +4D).
3

C. 4G = (4B + 4C+ AD). D. 0G =~ (04+0B+0C +0D).
Cau 23. 1in11—”x+3_2 biing
xX—> X —
1 1
A. =, B. +o. C.—. D. 1
4 2
A . x-3 M
Cau 24. lim — bang
xo0 X7 42
A. 2. B. —%. C. 1. D. 0.

CAu 25. Cho tt dién ABCD c¢6 AB=CD.Goi I,J,E, F lan luot 1a trung diém cua AC, BC, BD, AD . Gbc

(IE, JF) bang

A. 60°. B. 90°. C. 30°.

D. 45°.

CAu 26. Cho ttr dién ABCD. Goi M, N lan luot la trung diém cua AB, CD va G la trung diém ctia MN.

Khang dinh nao dudi day 1a sai?
A. GA+GB+GC+GD =0.
C. MA+MB+MC + MD = 4MG.

B. GM +GN =0.

D. GA+GB+GC = GD.

Cau 27. Cho hinh lang try ABC.A'B'C". Goi M 1a trung diém cua BB'. Pit CA=a, CB=b, AA =¢. Khing

dinh nao dudi day la dang?

A AM=b+i-La B AM=b-a+ic.  C.AM=a-i+ib
2 2 2
x*—16
. ; khix >4 .
Cau 28. Tim m déhamsé f(x)=4 x—4 "~ " lién tyc tai diém x=4.
mx+1 khix<4
7 7
A.m=—. B. m=8. C.m=——.
4 4
Céu 29. Rat gon S =1+008” x+c0s* x+cos’ x+--+cos™ x+--+ ygi cosx # .
A S= 12 B. S =sin” x. C. S=cos’ x.
cos” x
Cau 30. Tt dién déu c6 goc tao boi hai canh d6i dién bang
A. 45°. B. 90°. C. 60°.
) . 11 1 .
Cau 31. lim| I+ —+—+ bang
12 23 n(n+1)
A. 3. 2. C. 1.
khi x #1

B
Cau 32. Cho ham s f { x—1
B.

A. m=1.

D. AM = a+c—5b

D. m=-8

D. §S=— 12
sin” x

D. 30°

D. 0

. Tim m dé ham sb f(x) lién tuc trén R .

D. m=—4.
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‘ . 1 1 | . :
Cau 33. Cho day s0 (u,) voi u, = §+_+ . Taco limu, bang:

35 7 (2n—1)(2n+1)

AL B. L. C.1. D.2.
2 4
1
u,= 5
Céu 34. Cho day s0 ¢6 gi¢i han (u, ) xéc dinh boi . . Tinh limu,.
un+l = H n >l
2-u,
A limu, =1, B. limu, =0, C.Mm%=%. D. limu, = 1.
2
Céu 35. Cho lim [L’;” ax+ bj —1.Khi d6 gié trj cia bidu thitc T = a+b bing
X—>+00 x+
A2 B. 2. C.0. D. 1.

PHAN II: TU LUAN

an” -1 L 1a mot s6 nguyén
. ; yen.
3+n° 2

Cau 36. C6 bao nhiéu gi4 tri nguyén ctia a thude (0;20) sao cho lim \/ 3+

Cau 37. Biét rang lim (\/sz +2x + x\/g) =a\/5+b. Tinh S =5a+b.
Vax+1-1

) ‘ o k khi x#0 ,
Cau 38. Tim a dé ham so f(x)=1 ax’ +(2a+1)x lién tuc tai x=0.
3 khix=0
Céu 39. Cho hinh hop ABCD.A'B'C'D’. Goi P va O 1a hai diém lan luot trén hai canh 4B va AD sao cho

AP = %AB, AQ = %AD ,goi I va J 1a hai diém nam trén hai doan B'Q va A'P sao cho IJ song song v6i AC .

!

. IB
Hay tinh ti s6—.
OB’

[ Trang 4/4 - Ma dé 008 ]




TOAN 185 NGUYEN LO TRACH ON TAP KIEM TRA GIFAKY 2 - LOP 11
o pé 6n tap: 6 9

= M3 d2 thi
HO VA ten ..o | 12 o 009

PHAN I: TRAC NGHIEM KHACH QUAN

3
, )
Cau 1. Két qua cua gi6i han 11m’11—3;’ la:
—an
A. —o. B. 2. c. -1 D. +oo.
3 3
Néu limu, = L thi lim bang bao nhiéu?

Ju, +8
1 1 1 1

. B.— . . .
L+ JL++/8 JL+2 JL+8

Ciu 3. Gid tri ciia gii han lim | -4 1a:
x—>+3
Al B. 2. C. 3. D. 0.

Cau 4. Phat biéu ndo trong cac phat biéu sau la ding?

A.

A.Néuham sé y = f(x) c6 dao ham phai tai x, thi n6 lién tuc tai diém do.
B. Néuham s6 y = f(x) c6 dao ham tai x, thind lién tyc tai diém do.
C.Néuhamsb y = f(x) c6 dao ham tai x, thi n6 lién tuc tai diém —x,.

D.Néuham s6 y = f(x) co6 dao ham trai tai x, thi no lién tuc tai diém do.

2
Céu 5. Tinh giéi han L =lim”="""2.
2n” +1
3 1
A L=2 B.L=-. C.L=2. D. L=1.
2 2

Cau 6. Khang dinh nao sau day 1a dung?

A. Tanéi day so (u,) c6 gi6i han +oo khi 7 —> +00 néu u, ¢6 thé nhé hon mot s6 duong bat ki, ké tir mot
s6 hang nao do tro di.

B. Ta noi day ) (un) c6 gioi han —o khi n — 400 néu u, co thé 16n hon mot sd duong bat ki, ké tir mot
s6 hang nao do tro di.

C. Ta noi diy s6 (u,) c6 gi6ihan la s6 a (hay u, dantéi a) khi n — +o0, néu lim (u,—a)=0.

n—>+0
D. Ta néi day s6 (u,) c6 giéi han 1a Okhi n dan t6i v cuc, néu |u,| c6 thé 16n hon mot s6 duong tity ¥,

ké tir mot sd hang nao do6 tr¢ di.
Céu 7. Trong khong gian cho duong thing A va diém O. Qua O c6 bao nhiéu duong thing vudng goc voi
A?

A 1. B. 3. C. 2. D. Vo sb.
Cau 8. Trong cac ménh dé sau, ménh dé nao dang?

A. Mot dudng thang vudng goc véi mot trong hai dudng thang vudng goc voi nhau thi song song voi
duong thang con lai.

B. Hai duong thang cung vudng goc v6i mot dudng thiang thi vudng goc v6i nhau.
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C. Mot duong thang vudng goc véi mot trong hai dudng thang song song thi vudng goc voi dudng thing
kia.
D. Hai duong thiang cling vudng goc v6i mot duong thang thi song song véi nhau.

Cau 9. lim ‘xz - 4‘ bang

xo3
A. -5. B. 1. C.5. D. 1.
Cau 10. Gi4 trj clia gi6i han limz_—3 la:
dn° -2n+1
A. —%. B. —. C.0. D. 1.
Xy x -2 ,
~ \ £ khi x#1 _ X 1 £ A .
Cau 11. Cho ham so f(x) =4J2018x+1-+/x+2018 . Tim k& dé ham so f(x) lién tuc tai x=1.
k khi x =1
20174/2018
A. k=242019. B. sz.
C. k=1. D. k=220 1o
2017
Cau 12. 1im > bing
=1t x—1
A. 0 B. 4. C. —o. D. 1.
Cau 13. Cho hinh hop ABCD.A,B,C,D,. Goi M 1a trung diém cia 4D. Khang dinh nao dudi day 1a ding?
A. cleclc%ch1 +%CIBI. B. BB, + B A, +B,C, =2BD.
C. BM =BB+BA+BC,. D. CIM:C1C+C1D1+%C1B1.

Cau 14. Cho tr dién ABCD. Dat AB = a, AC = 5, AD=¢. Goi M 1a trung diém cua doan théng BC. Déng

thirc ndo dudi day 1a ding?

A.W:%(mzz;—a). B.W:%(aﬂ;—%).
C. W:l(—za+5+5). D. W:l(a—zz3+a).
2 2

Cau 15. Cho hinh hop ABCD.A'B'C'D'" tam O. Goi [ 1a tdm cha hinh hinh hanh ABCD. Dit
AC =ii, CA' =v, BD' =%, DB’ = 3. Khi d6

A. 25:—%(ﬁ+\7+i+j}). B. 2&:_%(*+\7+2+;).
C. 2@:%(ﬁ+v+my). D.2(7=%(ﬁ+v+fc+y).

Cau 16. Cho tit dién ABCD ¢6 AB= AC = AD va BAC = BAD =60°, CAD=90°. Goi I va J lin luot 1a
trung diém ctia 4B va CD . Hiy xéac dinh goc giita cip vecto AB va 1J 2

A. 120°. B. 90°. C. 60°. D. 45°.
Cau 17. Cho hinh lap phuong ABCD.A'B'C'D'. Goi M,N,P lan luot 14 trung diém cta AB, BC,C'D' . Xac
dinh goc gitta MN va AP .

A. 60°. B. 30°. C. 90°. D. 45°

2

~ £ w e . ) 1 .
Cau 18. Két qua cua gidi han. lim x’ (sm X ——j . la:
x—0 X
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A. 7 B. +. C.o0. D. 1.

' =3

Cau 19. Gia tri ciia lim
oo x+3

Al B. —«. C. 1. D. +o.
Céu 20. Cho tam giac déu ABC canh a = 2. Hoi ménh dé nao sau day sai?

A. BCCA=-2. B. (%—E).ﬂzz.
C. (E+B—C).R’:4. D. (E.E).B—szif.

Cau 21. Tinh [ = lim[n(\/nz 12— —1)} .

A. 1=0. B. ] =+. C.I=%. D. 1=1,499.
x*—2x+3 viix>3
Ciu 22. Cho ham s6 f(x) =41 vi i x =3. Khang dinh nao dudi day sai?
3-2x7 viix<3
A. i = - . B, i = 0.
fip f(x)=15 fip /(x)=6
C. Khéng ton tai lim f'(x). D. lim f(x)=6.
x—3 x—3"

Cau 23. Cho hinh hop ABCD.EFGH. Goi [ la tam cda hinh binh hanh ABEF va K 1a tdm cua hinh binh
hanh BCGF. Khang dinh nao dudi day 1a dung?

A. BD, EK, GF dong phang. B. BD, IK, GC dong phang.
C. BD, AK, GF ddng phang. D. BD, IK, GF ddng phang.
X' —=2x ..
Céu 24. Tim tit ca cac gia tri cia tham s6 m dé ham s6 f(x) =1 x=2 khi x =2 lién tuc tai x=2.
mx—4khix<2
A. Khong t6n tai m B. m=2
C.m=-2 D. m=3

Cau 25. Ham s0 nao trong cac ham s6 sau day lién tuc tai di€ém x=1?

A. f(x):z)zH—l. B. f(x)=\/l—2x.

x -1
c f( ) x+1 khi x2>1 D f( ) x+1 khi x2>1
. X)= . . X)= .
3x-1 khi x<l1 3x+1 khi x<1

3x+1 khix>-1

ihi . m 1 tham s6. Tim m dé ham s lién tuc trén R .
xX+m ix<—

Cau 26. Cho ham sb y = {

A. m=-1. B.m=3. C. m=-3. D. m=5.

Vax® —x+1

Cau 27. Két qua cia giéi han lim la:
x> x+1
A. 2. B. 1. C. 2. D. +oo.
Cau 28. Gid tri cua giéi han lim L la:
' Tl Yax+4-2
A. 1. B. +o. C. 1. D. 0.

Cau 29. S6 thap phan v6 han tuan hoan 0,5111--- duoc biéu dién bai phan s6 toi gian %. Tinh téng

T=a+b.
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A. 137. B. 17. C. 68. D. 133.
(2—a)x—3

VXt +1—x

Céu 30. Biét rang c6 gidi han 13 +o0 khi x = +o0 (v6i a 13 tham sd). Tinh gia tri nho nhét cia

P=a"-2a+4.
A. P. =5. B. P, =1 C. P, =3. D. P, =4.
N , A e A, R . an*-1 1 . . R
Cau 31. C6 bao nhi€u gia tri nguyén cua a thudc (O; 20) sao cho lim,[3+ 32 7 1a mdt s6 nguyén.
+n
A. 1. B. 3. C. 2. D. 4.
3x+a-1, khix <0
Cau 32. Cho ham s6 [ (x)=14 11 2x -1 o . Tim tat ca gi4 tri cua a dé ham s6 da cho lién tyc tai
_ ix>0
X
diém x=0.
A.a=4. B.a=1. C. a=3. D.a=2.
A N £ YR N , ~ 2 4. 4" +2n+1 1
Cau 33. Tim tat ca gia tri nguyén cta a thudc (0;2018) d¢ lim§ — < .
3" +4" 1024
A. 2007. B. 2008. C. 2017. D. 2016.

Céu 34. Cho day s (u,) v6i u, =2 +(~2 )2 +..+(v2)". Ménh d& nao sau day ding ?

A. limu, =+, B. Khong ton tai limu,.

V2
-2
Cau 35. Cho tir dién ABCD trong d6 AB=6, CD =3, goc giita AB va CD 1a 60° va diém M trén BC
sao cho BM =2MC . Mit phang (P) qua M song song v6i AB va CD cit BD,AD,AC lan luot tai
N,P,Q .Dién tich MNPQO bang:

A. 24/3. B. 2. C. 242. D. 3.

2

C. limu, = . D. limu, =

PHAN II: TU LUAN

(\/g)”_zrm“ 282 +3 | a5

Cau 36. Biét rﬁng lim + = +c V61 a, b, ceZ. Tinh gia tri cua biéu thirc

s e(V5) 3 b

S=a’+b*+c.

Cau 37. Gia tri ciia gi¢i han lim (\/x2 +x U - ) la:

VI=x—+/1+x

khix <0
Cau 38. Tim tat ca cac gié trj cua m dé hamso f'(x)= | X lién tuc tai x=0.
—X .
m+— khix>0
1+x

Cau 39. Cho ti dién ABCD c¢6 AB=CD=a.Goi M,N lan lugt 1a trung diém ciia 4D va BC . Xac dinh
d6 dai doan thang MN dé goc giita hai duong thing 4B va MN bang 30°.
------------- HET -
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Caul. L= 1im(5n—n3) la:

A. —4. B. —¢. C. +o0. D. -6.
Cau 2. Trong khong gian cho dudng thing A va diém O. Qua O c6 may dudng thang vudng goc voi A?
A.3. B. Vo sb. C.2. D. 1.
. -1
Ciu 3. Gi4 trj cta gi6i han lim 4|x—| la:
=l x" +x -3
A2 B. 2. c.2. D. -2,
2 3 2 3
Cau 4. Cho hinh lap phuong ABCD.4'B'C'D'. Pudng thang nao sau day vuéng goc voi duong thang BC'?
A. AD'. B. AC. C. BB'. D. 4D.

Cau 5. Cho cac ménh dé:
1) Him s6 y = f(x) c6 dao ham tai diém x, thi né lién tuc tai diém x, .
2) Him s6 y = f(x) lién tuc tai diém x, thi n6 c6 dao ham tai diém x, .
3)Ham s0 y = f(x) lién tuc trén doan [a;b] va f(a).f(b)<0 thi phuong trinh f(x)=0 c6 it nhat mot
nghiém trén khoang (a ;b) .
4)Ham s6 y = f(x) x4c dinh trén doan [a;b] thi ludn ton tai gi tri 16n nhat va gia tri nho nhét trén doan
do.
S6 ménh dé dung la:

A. 3. B. 1. C.2. D. 4.
Céu 6. Phat biéu nao trong cac phat biéu sau 13 sai?

A. limg" =0 (|¢q|>1). B. limu, =c¢ (u, = ¢ 1a hang s6).
C. 1imik=o (k>1). D. lim2 =0.
n n
Céu 7. Diy s6 ndo sau day c6 gii han bang 0 ?
n n 3
A.u,=n"—4n. B.unz[—zj . C. un:(ﬁj . D. un=n 3”.
3 5 n+l
Cau 8. Phat biéu nao sau day 14 sai?
A.limu = c(u = clahingsb). B. limg" =0 (|¢ > 1).
C. lim+ = 0. D. lim— = 0 (k > 1).
n n
3 2
Céu 9. Gid trj cita gi6i han limr —4 —Y3X=2 ..
x=2 x+1
A. +o, B. -2 c. -2 D. 0.
2 3
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Cau 10. lim bang
2n+7
1 1
A. 0. B. +x. C. —. D. —.
2 7
Céu 11. Cho ham s f(x)= x—1 P70 Tim a dé ham sé lién tuc tai x, =1.
a khi x =1
1 1
A.a=0. B.a=—. C.a=—. D.a=1.
2 2
Cau 12. Cho hinh lang tru tam gidc ABC.A'B'C'. Pat AA' =G, AB=b, AC=¢, BC=d . Khang dinh nao
dudi day la dang?
A.d+b+c=d. B. d=bh+c. C.a+b+c¢+d=0. D.b-¢+d=0.
/.2
7 4 N . _2
Cau 13. SO nao trong cac so sau la bang 11r131L3\/5 ?
xX—> xX—
PNRALS ALY ¥ p. -3
12 12 12 12

Cau 14. Cho tr dién ABCD. bat AB=d, AC=b, AD=C. Goi G la trong tam cua tam giac BCD. Trong

cac dang thirc sau, dang thirc nao sau day dung?

A.A—G:%(Zi+5+5). B.E:%(Ziﬂ;ﬂ?).
C. AG=ad+b +@C. D.A—G:l(a+l§+5)
3

2 2 .
Cau 15. Gi tri gi6i han lim Vo —x - +] bing:
x=3=0 2x+3

A. —o0. B. —l. C

1
2 T2
CAu 16. Cho tir dién déu ABCD c6 d6 dai canh béng a . Tinh tich vd hudng cia hai vecto AB va CD.

2

A. AB.CD =0. B. AB.CD =d*. C. E.@:%. D. AB.CD =—d*.

D. 0.

Céu 17. Cho hinh hop ABCD.A'B'C'D'. Goi I, K lan luot 13 tim cta hinh binh hanh 4BB'A’ va BCC'B'.
Khing dinh nao dudi day 1a sai?
A. k=0. B. k=2. C. k=4. D. k=1.

Ciu 18. Tinh gi6i han T = lim(\/16”“ 4 16 13 )

A.T:l. B.T:L. C.T=0. D.T:l.
8 16 4
A . X N ” - . 4x2—3x+1 .4, N
Cau 19. Cho hai s0 thuc a va bthoéa man lim —2—ax—b =0.Khidoé a+b bang
X—>+00 x_l_
A. 7. B. -7. C. 4. D. 4.
xP+4x+3 .
A \ Apa X ——  khix>-1 ., LR
Cau 20. Tim m dé hamso f(x)= x+1 lién tyc tai diém x =-1.
mx+2 khix <-1
A. m=0. B. m=-4. C. m=4. D.m=2.
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B3x+2-2

hix>?2
Cau 21. Tim gia tri 16n nhét ciia a dé hamsd f(x)= X _12 lién tuc tai x = 2.
a’x+— khix<2
4
A.a, =2 B.a, =3 C.a, =0. D.a, =1
Cau 22. Cho hinh 1ap phuong ABCD.A'B'C'D’ . Tinh goc giita hai duong thang A'B va AD'
A. 45°. B. 30° C. 90°. D. 60°.
x’—16 .
CAau 23. Tim m dé ham sb f(x)=1 x—4 khix>4 lién tuc tai diém x=4.
mx +1 khix <4
A.m=—z. B.m=z. C. m=-8. D. m=8.
4 4
27V i e
Cau 24. Chohamso y = f(x) = x-1 . Tinh limf(x).
x—1"
khi x=1
1 1
A, ——. B. —. C. +. D. 0.
8 8
Cau 25. Cho hinh lang tru 4BC.A'B'C’. Dit AB=a, A4 = b, AC =Z. Khin ng dinh nao sau day diung?
A.BC=-d+b-¢. B. BC=-d—b+¢.
C. BC=—d+b+¢ D. BC=d+b-¢.
Céu 26. Cho hinh chop S.ABC c6 SA=SB=SC va ASB=BSC =CSA. Hiy xac dinh goc giita cip vecto
SC va AB?
A. 90°. B. 45°. C. 60°. D. 120°.
10-2
Cau 27. lim Q
5" x7 —6x+5
1 1
A, ——. B. —. C. +. D. 0
2 2
Cau 28. Gi6i han lim 22 bing
x—2 x_2
Al B. L. c.l D. 0.
2" 4
Cau 29. Biét rang lim\/_ *l —asm Z +b. Tinh S=d* +b°.
2
A. S=-1. B. S=1. C. §=8. D. §=0.
Céu 30. Cho tir dién déu ABCD, M 1a trung diém ctia canh BC . Khi d6 cos(A4B,DM ) bang
A.ﬁ. B.l. C.ﬁ. D.Q.
2 2 6 2
. s -1 ).,
Cau 31. Két qua cua gidi han lim n 2 +( ) bang:
3n—1 3"
A. Q B. 1. C. l D. —l.
3 3 3

[ Trang 3/4 - Ma d& 010 ]




Céu 32. S6 thap phan vo han tuin hoan 0,17232323... dugc biéu dién boi phan sd t6i gian %. Khang dinh

nao dudi day dung?
A.a-b>2". B. a—b>2" C.a-b>2". D. a—-b>2".
CAu 33. Tim tat ca cac gia tri cua tham s6 m dé ham sb sau lién tuc trén R

x—1

S khix>1

f(x) =4 Inx

me ™ +1-2mx* khix <1
A.m=%. B. m=0. C.m=1. D. m=-1.
2
Cau 34. Cho lim SYX F1+2017 1) (\/xz +hx+1 —x):2. Tinh P=4a+b.
X——0 x+2018 2 x>+

A. P=2. B. P=1. C. P=3. D. P=—1.
Céu 35. Cho hai day s6 (u,),(v,) déu ton tai gi6i han hiru han. Biét ring hai day s6 dong thoi thda man céc
h¢ thirc u,,, =4v, —=2,v,,, =u, +1 véi moi Vn € Z". Gia trj cia gi¢i han lim (u, +2v, ) bang

A. —1. B. 1. C.0. D>

2 2

PHAN II: TU LUAN

Céu 36. Trong céc ddy s6 (u,) cho duéi dy, ddy s6 nao c6 gii han khac 1?

Cau 37. Cho lim (\/ X +ax+5 +x) =5 thi gid tri cia a la mot nghiém cia phuong trinh nao trong céac

x>0

phuong trinh sau?

Vadx+1-1 0

Cau 38. Tim a déhamsd f(x)=1 ax’ +(2a+1)x lién tyc tai x=0.
3 khix=0

Céu 39. Cho hinh chép S.ABCD c6 tit ca cac canh bén va canh day déu bang a va ABCD la hinh vuong.
Goi M 1a trung diém ctia CD . Tinh gia tri MS.CB.
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Cau 1.

Loi giai

2 _ 2
Ta 6 1im8n+—3”1 —lim—"_ 1"
4+5n+2n 4 5

Loi gidi

Vi AD/IBC nén goc gitta BC va SA 1a goc gitta AD va SA4.
Hinh chép c6 tat ca cac canh déu bang a nén ASAD déu, suy ra (AD,SA)=60°.
Cau 4.

Cau 5.

Loi giai



Loi gidi
Ta c6 lim(=3.f (x)) ==3.lim f(x) = +oo.

Cau 7.

Loi giai
Chon B

lim(3" -5") = lim 5" [@j = 1j =—o.

Vi lim 5" = +oo; hm[(%) —1] =-1.

au 8.

a

Loi giai

Taco lim f(x)=1.

X—>—00
Loi giai

Do hinh chiéu cua hai duong thang ban dau nam trén cing mot mét phang nén chiing khong thé chéo nhau.
Cau 10.

Loi giai
Cau 11
Loi giai
Chon A
Cc=v2-35.
Cau 12.
Loi giai
o 1
Taco: lim =lim —%=-2
x—>-0 J_ x x>-0 3
-1
X
Cau 13
Loi giai
Theo dinh nghia ham s6 lién tuc trén doan [a;b] )
Cau 14.
Loi giai

Khi & 1a s6 chin tuc 14 k c6 dang k =2mthi lim x* = lim x*" = +o0.

X—>—00 X—>—00



Cau 15.

Loi giai
Chon D
Ap dung quy tic hinh binh hanh ta co: BA+BC=BD.
Suy ra BA+BC+ BB'=BD+BB'=BD".
Cau 16.

Loi giai
Chon A

. . oANXx—=2 . 1 1
Tacé: £1_r541f(x)—£1_r>141 2 —1151\/;+2 =2 = f(4)
Ham s lién tuc tai diém x=4.
Cau 17.
Loi giai
Chon C
Ham s d3 cho xac dinh trénR .

Taco: lim f(x)=lim(x*+4)=5= 1 (1).

x—1*
va lim f (x) = lim (3x~2) =1 /(1)

Véimoi x, €(1;+) taco: lim (x):1im(x2+4):x§+4:f(xo).

Vay ham s6 lién tuc trén [1;+00).
Cau 18.
Loi giai
Chon B
Ham s0 lién tyc tai x =—1< f(-1)=lim f'(x)

x—>-1
2

om’-2=lim——=lim(x-1)=2 &m’ =0=m=0.
x—>-1 xy+1 x—>-1

Vay c6 mot gia tri ciia tham sé m thoa ycbt.
Cau 19.

Loi giai
Chon C

Ta co I=lim(\/n2—3n+12—n)=lim ntl2 =1lim n =_%_

it —3n+12+n \/ 3 12

Cau 20.
Loi gidi
Chon D

G la trong tam to dién ABCD

@@+G§+§?+§)=()@4@+@+E‘+E=6@E=%(ﬁ+ﬁ+ﬂ)).
Cau 21.
Loi giai
Chon C
Céac ham sd trong cau A, B, C khong xac dinh tai x =—1 do d6 khong lién tuc tai x=—-1.



Xeétham sé y= £ (x)=x* —2x+1 ta co:
+ f(x) xdcdinh trén R va —-1eR

+ lim £ (x) = limyx* —2x+1 =4 = f(-1)
Suyra f(x) lién tyc tai x=—1.

Vay ham s trong cau D lién tuc tai x=—1.
Cau 22.

Loi giai
Chon B

(\/n2 +2n+3 —n)(\/n2 +2n+3 +n)

Jn? +2n+3 +n

A= lim(x/nz +2n+3 —n) ~lim

2+E
n

=1.
/1+2+ 32 +1
n n

n’ +2n+3—n? . 2n+3

Nt +2n+3+n N +2n+3+n

=lim

Cau 23.

Chon D

Chu y: Hinh hop c6 tit ca cac canh bang nhau con goi 14 hinh hop thoi.
A dang vi:
A'C'" L B'D
B'D' /| BD
B sai vi:

= AC'"LBD.

ABLAB

C dang vi: = AB 1 DC'.
AB' /| DC'
BC'LBC o

D diing vi: = BC' 1 AD.
B'C /I AD

Cau 24.

Chon A

2 I)(x—-1
macs i =l i ()2

Cau 25.

Chon A



Ta ¢6: ASAB = ASBC = ASCA (c—g—c¢)= AB=BC=CA.

Do d6 tam gidc ABC déu. Goi G 1a trong tAm ctia tam giac ABC.
Vi hinh chop S.ABC c6 S4=S5B=SC
nén hinh chiéu cua S trung v6i G
Hay SG L (ABC) .
AC 1 BG
a co: = AC L (SBG)
AC 1L SG
Suyra AC L SB.

Vay goc gitra cap vecto SB va AC bang 90°.

Cau 26.
Loi giai
Chon D
7 1
2 3 —=2+—
Taco [=lim 220 *_jypn — n’ _ 2
3n” +2n" +1 3+g+i} 3
n on
Cau 27.
Loi giai
Chon D

lim (\/5x2+2x+x\/§)= lim 2x —fim_— 2 =—1\/§.

2w 2 S
X

1
Suy ra: a=—§, b=0.Vay S=-1.

Cau 28.
Loi giai
Chon C
2 4
Taco I =lim(3—n),|— =lim£§—1j - =1im(3—1
n+5 n n+5 n
Cau 29.
Loi giai

Chon C



Ta co A:Iimn(‘/1+z+%+lJ:+oo
n n
Do limn=+w;lim£,/1+z+%+1]:2.
n n

Cau 30.
Loi giai
Chon B
A » B
Df— C
A'/\* _______________ BV
DI ’ C!

Taco AB=A'B' va AB L(AA'D'D) nén (AB,A'D)=(A'B',A'D)=90°.
Do do (4B, 4'D)=90° nén AB.AD =0.

Cau 31.

Loi giai
Chon D

2 — 2x—1 2 -
Ta co limW= lim( al )(x+ ) = lim 2x lzg.
=2 x4 x>-2 (x—2)(x+2) =2 x=2 4

Cau 32.

Loi giai
Chon C

+ Goi O la tam cua hinh hop ABCD.A4,B,C,D, .

+ Van dung cong thic trung diém dé kiém tra.

. C
1 A
1 4
2
| 3
1 7
T /
1 /‘/
| /
4
A = '
N . ‘B
\\ 7
r el \\ 1 Y,
~. I 7
e : i
~
K4
P~\ 7
1 Soy
1 “.r‘
! VAN
1 ’ ~
1 ‘ S~
) .
1.7 Sso
A Sso
s ~
' \‘_ﬁ
5 )
’D .
7’
vt C;
7’ //
4
VAl
g
7/ 7
ots
Z,
e
¢

Loi gidi



3 2017
a2 e3e2017 1 WA 1 a2 NG)
Ta co: lim =— < lim =— =— S a=—.
X400 2x+2018 2 X0 o 2018 2 2 2 2
X
Cau 34
Loi giai
S
A
C

B

cosa = ‘cos(@,ﬁ) =
Cau 35.

Ta co: lim f(x)=lim 6:lim(x+4):8.

x—4" =4 x—4 x—4"

Loi giai

2
X -

Va: 1imf(x)= lim(mx+1)=4m+1=f(4).

x—4" x—4"
Ham s6 f(x) lién tyc tai diém x =4 néu lim f(x) = lim f(x) = f(4)
x—4" x—4"

7
:>4m+1=8<:>m=z.
PHAN II: TU LUAN
Cau 36.

Loi gidi

Tt cong thirc xac dinh day (u,) suy ra u, >0,Vne N*.
Ta chimg minh (u, ) 1a day so bi chin trén béi 2 bang phuong quy nap

”- 2(2u, +1)_2= 2u, —4

<0=u,, <2 nén
u,+3 u,+3

That vy taco u, =1<2.Giastr u, <2thiu_ -

u,<2,vneN*

Ta chirng minh day (u,) tang.

7

|[s4BC| [sA(SC-5B)| [SASC-SASB| |54.SC.cos90°—SA.5B.cos60° T
SA.BC SA.BC SA.BC a~4a® +9a* —2.2a.3a.cos 60°



2(2u”+1)—u _—zfn+un+2

Thatviy «,  —u - -
- u+3 u+3

n

>0,VneN*(Vx0< y,<2)

Day (u,)la day tang va bi chdn trén nén c6 gidi han.

2(2L+1
bat limu, =L (0<L<2), giai phuong trinh L :(L—3’) ta dugc nghiém duong L =2
+
Vay limu, =2.
Cau 37.
Loi gidi
Taco
) 1 z_ ) —1)(x+2 o —(x+2
hm(—— 3 3j zlimw =lim (x )(x ) zhm(x—zz—l.
x—l1 l_x l_x x—l l_x —1 (I_X)(1+X+X2) x—>11+x+x
Cau 38

Loi gidgi
Pat f(x)=(1-m")x"—3x—1.
+Hams6 f(x)=(1-m")x*~3x~1 lién tuc trén R nén ham s lién tuc trén [~1;0].
+Taco: f(0)=-
f(-1)=m’+1>0,Ym nén f(0)./(-1)<0
Vay phuong trinh (1—m”)x* —3x-1=0 c6 it nhat 1 nghiém trong khoang (~1;0) nén phuong trinh luén c6

nghiém.
Cau 39.

Loi giai

Tac6 MN = MA+ AC +CN; MN = MB+ BD + DN

:>2ATV=R’+@:>]\TV=E(A—C"+ﬁ)

a10
2

. , —2 1 - = SN2 1 2 2
Khi d6 MN :Z(AC+BD) :Z(a +9a’)= MN =
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PHAN I: TRAC NGHIEM KHACH QUAN

Cau 1.

Vi du lay day (u ( ) ( ) v6i u, =n’,v, =n théa man diéu kién limu, = 4o0;limv, =+o0 nhung

Loi giai

lim(u, —v,)=+o.
Cau 2.
Loi giai
Chgn C
Do phép chiéu song song bién hai duong thang song song thanh hai dudng thing song song hoc tring nhau,
nén khong thé co dap an A.

Cau 3.
Loi giai
Chon B
3
2 2-—
im 2 —fim— =2
TET T
n
Ciu 4
Loi giai
A —
B'. — C
¢ /s
A D
B - IC
Ciu 5
Loi giai



— 2 -
lim = li )
x40y — X—>+0 1
X
Cau 6
Loi giai
Chon A
Cau 7
Loi giai
Chon C
Cau 8
Loi giai
Chon A
Loi giai
L 2+ -5Vx* -3 25
Taco lim = =3.
x>-2 2x+3 -1
Cau 9.
Loi giai
Chon A
Cau 10.
Loi giai
Chon B
Tacod: y= 3 c6 tap xac dinh: D = R\{Z} , do d6 gian doan tai x=2.
x—
Cau 11.
Loi giai
Chon D

Dua vao dinh nghia hai dudng thiang vudng goc trong khong gian ta suy ra dap an C dang.
Cau 12.

Loi giai
Chon B
Ta co: 1im<2019n—n2) =limn’ (2019 —lj =—00,
n
Céu 13.
Loi giai
Chon D
B
A t D
|
|
! |
N
- ~ C
A D'

Ta c6 ABCD.A'B'C'D’ 14 hinh lap phuong nén canh 4’4 L (A'B'C'D') va B'D' e(A'B'C'D')
Nén A'A L B'D' = £(A'4,B'D')=90° .
Cau 14.
Loi gidi
Chgn C
Tacod 1im(x—3)=0,x—3 <0,Vx<3.

x—3"



Loi giai
Chon C
1
—=2
lim =2 fim 2
3n+1 3+l 3
n
Cau 16.
Loi giai
Chon B

Ta c6. D& thay lim (—4x3 +2x +3) =+o0. Chon dép an D..

X—>—00

Cau 17
Loi giai
Chon B
1+ 4
i n+4 lim X nr 0+0
3n*+5 3+i2 340
n
Cau 18.
Loi giai
Chon B
2+i+2017
a2 4342017 1 . W T 1 a2 1 NG
Taco: lim =— & lim =— & =—Sa=—.
X400 2x+2018 2 xowe 24 2018 2 2 2 2
X
Cau 19
Loi giai
Chon A
S

~N

Goi O la tam cua hinh vuong ABCD = O la tam dudng tron ngoai tlep cua hinh vudéng ABCD (1).
Ta co: SA=SB=SC =SD=>S nam trén truc cia dudng tron ngoai tiép hinh vuéng ABCD (2).
T (1) va (2) = SO L (4BCD).
Tir gia thiét ta c6: IJ // SB (do IJ 1a duong trung binh ciia ASAB). = (IJ, CD) = (SB, AB) .
Mat khac, ta lai c6 ASAB déu, do d6 SBA =60°=>(SB, AB)=60°= (1J,CD)=60°.
Cau 20.
Loi giai
Chon C
f (1) =a+2.
lim f(x) = lim (ax+2)=a+2.

x—1" x—1"



Nx+3-2 . x—1 ) 1 1

lim f(x) = lim—————= = lim = lim

= o x-1 o (Vre342)(x-1) o7 (Vx+3+2) 4
Ham s lién tyc tai x=1 < f(l) =lir¥f(x) = lil}lf(x) S a+2= % Sa= —%.
Caiu 21.

Loi giai
Chon C

Theo gia thuyét trén thi v6i O 1a mot diém bat ky ta ludn co: OG = %(52 +0B+0C + 513) .
Ta thay diém O boi diém A thi ta co:
AG =5(Ad+ 4B+ AC-+ AD) &> 4G =~ 4B + AC + 4D)

Do viy 4G == (4B+ AC-+ AD) la si.

Cau 22.

Loi giai:
Chon A
HqNsz—x+l—x}=hm(fﬂvxz—x+1+n):+w_
Cau 23.

Loi giai
Chgn C

Taco (1) ding vi f(x)=x"—x*+1 la ham da thic nén lién tuc trén R.

Ta c6 (/1) ding vi f(x)=~x-2 lién tuc trén (2;+) va 111? f(x)=£(2)=0 nénham s6 lién tuc trén
[2;+).

Céu 24.

Loi giai

Chon A

3t -2n+1 .
=1l

lim Z =
dn” +2n+1

Cau 25.

Chon D

2 < Y 2 2 DT 2
Taco SB :(AS—AB) < SB =A8"-245S.AB+ AB

. 2 a2 42 2
 ASCD=ASBA=-ASAB="B 54 -4AB" _ «a

2 2




2
a

CDAS ~ 5 -1
CD.AS al2a 4

Viy cosp = cos(@,zg) =

Cau 26.
Loi giai
Chon B
Ix -1 1 1
Tacd: lim f(x)=1lim =1lim =—=f(1
x—)lf( ) x—4 x_l x—4 %/x_2+%/;+1 3 f( )
Ham s lién tuc tai diém x=1.
Cau 27.
Loi giai
Chon A
Ta co: lim[n(\/n2+2—\/n2—l)} :lim\/ = 3”\/ = =1lim > 3 1 :%
n"+2++vn" -1 \/1_'_2_'_\/1_2
n n
Cau 28.
Loi giai
Chon A

Ham s6 xac dinh khi : 2x—x >0 < x €[0;2]
Ham s lién tuc trén tung khodng xéac dinh cia no, do d6 ta chon dap an
Cau 29.
Loi giai
Chon B
Ta co:

3n+3) —(9n*> -8
lim(3n+3—\/9n2—8n):1im( n+3) —(on n)=1im 26n+9
3 +3+9n% —8n 3 +3+91% —8n

26+2 13
=lim 1 =—=a=13,b=3=2a-7h=5.
3 8 3
3+—+,/9——
n n
Cau 30.
Loi giai
Chon C
5 2018 _ ~2018 2018
. o X —4 . (x 2 )(x+2 ) . 2018 | ~2018 2019
Taco lim, " = i e = i, (xr 2 2272227
Cau 31.
Loi giai

Chon A




Taco SA L (ABC)= S4 L BC, suy ra C ding.
Laico BC L AB, BC LS4 :>BCJ_(SAB):>AH = BC 1L AH , suy ra B dung.
Mat khac AH 1. SB, AH 1 BC = AHJ_(SBC) > SC = AH 1 SC, suy ra A dung.

Vay Chon A
Cau 32.
Loi giai
Chon B
A B
D] C
Eq:: F
A T G

ﬁ.ﬁ:ﬁ.(ﬁ+ﬁ{’):ﬁ.ﬁ+ﬁﬂ—}i = 4B +AB.AD (EH = AD) =d® (Vi AB L AD).
Cau 33.

Loi giai

Chon D

Xét tam gidc ACAD ta c6 MQ la duong trung binh nén suy ra MQ//AD (1).
Xét tam giac SAD ta c6 RT la duong trung binh nén suy ra RT // AD(2) .
Tt (1);(2)= MQ//RT . Suy ra 4 diém M ,Q,R,T dong phang.

Cau 34.
Loi giai
Chon C
V6i moi ddy (x,):limx, =0 ta co:
. ANx+4-2 . \x,+4-2 X L 1 1
lim =lim =lim L =lim =—,
=0 2x 2x, 2x, (Jx, +4+2) 2(,/xn+4+2) 8
Cau 35.
Loi gidi
Chon D
5 1
1+5+--+(4n-3 n(2n-1 \/ L
jim V. (4n=3) _pipan2=) o " V2
2n—1 2n—1 1 2

PHAN II: TU LUAN




Céu 36.

Loi giai
Pitu, =v, +3VneN', thi vy =y -3=-2.
Khido u,,, = %un +% =2 %vn;Vn e N* nén day (v,) 1a mot cap sb nhan véi

n+l

1 1 n—1 1 n—2 l n—2
v, =—2;q=5, suyra v, :—2.(—] :—(Ej =u, :3—(EJ = limu, =3

+3:l(v”+3)+§<:>v
2 2

n+l

2 n—>+ow
Cau 37.
Loi giai
o2 (-D(F-2x-2) o2 Po21-2 3
Ta co: lim—————=1im =lim = ==.
=l x" —4x+3 ol (x—l)(x—3) =l x=3 1-3 2
Cau 38.
Loi gidi

Xétham sé f(x)=ax’+bx+c.

+ Ham sd f(x) =ax’ +bx+c lién tuc trén R .

43 1 4 4

+ Ta co f(—j:—6a+—b+c nén Ef(—]:12a+15b+ﬁc.
5) 25 5 475 4

5

_ 5
f(O)—c nén Zf(O)zzc.

Do dé ?f(%)+%f(0):12a+15b+20c:0,

4 . N
Suy ra f(gj , f(()) trai dau hodc cé hai déu bang 0.

4
Vay phuong trinh ax® + bx +c =0 luén c6 nghiém thudc {0; g} .

Céu 39.
Loi giai

C

ADBC = 25.(26 — ZE) — AD.AC — AD.AB = AD.AC.cos CAD — AD.AB.cos BAD

2 2 2 2 2 2
AC*+ AD” -CD —AD.AB.AB + AD” —BD
2.AC.AD 2.AB.AD
a’+ a\/gz—Zaz 24 + a\/gz—az

( ) ( ) —a\/€.2a.( ) ( ) =

=-34°
2.a.ax/g 2.2a.ax/g

=AD.AC.

=a+6.a.



L -
Suy ra cos(AD,BC): ADBC 3o _ 1., (AD,BC) =120°,
AD.BC  a6.a6 2

Vay goc giita hai duong thing 4D va BC 1a 60°.
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Cau 1.

Loi gidi
Chon C

44 2018
Taco lim4n+2018=lim n__-».
2n+1 24 1
n

Cau 2.

Loi giai
Chon A
Cau 3.

Loi giai
Chon A

A 3 2 .3 4 5
Ta co: lim (—2x —4x +5) = lim x (—2——+—3j =—0.
P o % x

Cau 4.

Loi giai
Chon A

xz(‘/le +2+12J
X x X
Tacé: D= lim =400,
T (3 ERE +1J
¥ X X x

Cau 5.

Loi giai
Chon A
Phuong 4n A: chi dung trong ciing mot mit phang nhung thiéu truong hop b tring véi ¢ khong dung trong
khong gian.

Phuong 4n B: goc giita hai duong thang bang goc gitra hai vec to chi phuong cua hai duong thang d6 khi goc
giita hai véc to chi phuong 13 goc nhon, néu goc giita véc to chi phuong ciia hai duong thang d6 1a goc tu thi
sai.
Phuong an C: goc giita hai dudng thang co thé 1a gbc vudng...
Cau 6.

Loi giai



Chon B

lim (4x-3)=9>0, lim(x—3)=0 va x-3>0 v6i moi x>3 nén lim 4x-3 =400,
x—3" x—3" -3 x—
Cau 7.
Loi giai
Chon D
2 . 2
lim = 3_( )3 — 2
xo>-1x" +2 (_1) +2
Cau 8
Loi giai
Chon B
A1 £ f(x) n N ~ , , o
Ta thay ham so ( ) lién tuc trén nhitng khoang théa mancosx #0.
g(x
Cau 9.
Loi giai
Chon B
Theo ndi dung dinh ly.
Cau 10.
Loi giai
Chon D
3 n (3 - 2) 3— 2
I =lim=" = =lim o =lim—t =3
nr n (1 + j 1+~
n n
Cau 11
Loi giai
Chgn C
Theo dinh 1y vé tinh dong phing cua ba vecto chon D
Cau 12.
Loi giai
on C
a 06 hai ham s6 f, (x)= 3xx—+21 va f,(x)=log, x c6 tap x4c dinh khong phai 1a tdp R nén khong thoa yéu cau.
* Ca hai ham s 1 (x) =2x"=3x+1 va £ (x) =cosx+3 déuco tap xdc dinh 1a R déng thoi lién tuc trén R .
Cau 13.
Loi giai:
Chon C
A saivi limg”" =0 khi |¢|<1.
Cau 14.
Loi giai
Chon B

Phuong chiéu vudng goc voi mit phang chira dudng tron bién dudng tron thanh duong tron.
Phuong chiéu ndm trong mit phang chira duong tron bién duong tron thanh doan thang.
Phuong chiéu cat (khéng vudng goc) v6i mat phang chira duong tron bién dudng tron thanh duong elip.
Cau 15.
Loi giai
Chon D



Theo 1y thuyét.

Cau 16.
Loi giai
Chon D
. 3 2 .3 4 1 - 3 . 4 1
llm(n +4n —1):11mn I+———|=+0. (Vi hm(n )=+oo va lim| 1+—-— =1>0).
n on n on
Cau 17.
Loi giai
Chon D

Tacd MN.AD =~ (4D -+ BC).AD = (4D + AC - 4B). 4D
2 2

:%(AD2+R’.E—E.E) :%ADZ £0. Do d6 ménh d& MN 1 AD sai.

Ciu 18.
Loi giai
Chon A
3 2 3 2
32+ 5 - 3-, 2+ 5=
. 3n°—+2n*+3n-2 . n[ n’ n4} . [ n’ n4}
lim \/ = =lim =limn =400
4n—3n"+2 n[4— 3+2j (4— 3+2J
n n
3 2
3—2+———
) s
Vi limn =+ lim = >0.
2 4-3
4—3+—
n
Ciu 19
Loi giai
Chgn C
(\/4112+5n—2020—\/4n2—3n+2019)(\/4n2+5n—2020+\/4n2—3n+2019)
a, =lim
Ta cb Nan® +5n-2020 +/4n* —3n+2019
(40 +51-2020)~(4n” ~3n+2019) 81— 4039
=lim =lim
J4n® +51—-2020 +/4n> —3n+2019 J4n? +5n—2020 +4n* =3n+2019
4039
8_
_ n
\/ 5 2020\/ 3 2019
a0+2_i
Do d6 a,+1 3
Cau 20.
Loi giai
Chon C

Ham s6 d cho lién tyc tai x, = 1 khi va chi khi

2
lim f(x) = f(l)a1imﬂ=m©nm(x—z)=m@m=—1.

x—1 x—1 X — 1 x—1



Cau 21.

Loi giai

Chon C

Goi N 1a trung diém cua AC = MN //AB :(W)=(DM,MN).

TacoMN=—,DM=DN=%.
2 2 2 ﬂ
— cosDMN < MN_ MDD =DN" _ 5 _ 1 _N3
2MN.MD 5 323 6
)
Cau 22.
Loi giai
Chon B
Ta co: limsmsle; f(0)=a+2.

x—0 5x
Vaydéhémséliéntuctaix=0thia+2=1<:>a:—1.
Cau 23.

Loi giai
Chon B

Ta co: ﬁﬁé = (E+B—B’)ﬁ’ .
= AB.BC + BB'.BC .



= AB.BC (vi BB’ 1 BC nén ﬁ.ﬁ=0).

= —BABC.
o 1 1 2
=—AB.BC.cos60° =—qga.— =——a".
2 2
Cau 24.
Loi giai
Chon B

D& thay kd (1) sai, Kd (II) 1a 1i thuyét.
Ham s6: f(x)=+9—x" lién tyc trén khoang(-3;3) . Lién tuc phai tai 3 va lién tuc tréi tai -3.

Nén f(x)=+9—x* lién tuc trén doan [-3;3].

Cau 25.
Loi giai
Chon A
2 1
n—-n’+1 n3(1—+3j 1_2"'%
lima, =lim == = lim T = lim| I | = oo
e n2(3+2] 3+—
n n
limn =+
1 2+1
lim—2_1
3+i
n2
Cau 26.
Loi giai
Chon C
D=[-2;2]

f(x) khong xac dinh tai x = 3.
lim2 Ja-x* =0; f(—2) =0. Vay ham s6 lién tuc tai x =-2.

lim f(x)=limv4-x* =0; lim f(x)=1. Vay khong ton tai gi¢i han cta ham s6 khi x — 2..
x—>2"

x—2" x—27

Cau 27.
Loi giai
Chon A

D (e}

Ay B

Vay k=1.



Cau 28.

0.

Loi giai

Chon B
2 +1)

1mx +2x-l_lzlim (x ) zlimx+1:0.
==l Dx+2 x—>*12(x+1) x>l )
Ciu 29.

Loi giai
Chon D
Tac():Az1iml(2x2—x—m2+3)=2+1—m2+3=—m2+6.

< —/2
SuyrA. A<4 o -m*+6<4om’ -2>0 " \/_

m>~2

Cau 30.

Loi giai
Chon C

+1-x+3 4

lim (Vx+1-vx-3) = lim —> = lim -
x—>+oo( ) X—>+0 /x+1_+_ /x_3 X—>+00 /x+1+ /x_3
Cau 31.

Loi giai
Chon A
Tacd: u, =~n+2018 —/n+2017 = 1 .

Jn+2018 +/n+2017

u,, Nn+2018++/n+2017
Suy rA. ==

u, n+2019+n+2018
Do d6, day so (u, ) giam.
Vay Chon A
Chi ¥:

<1lvéimoi neN".

+ lim u, = lim 1 =0
n—>+0 n—)+00\/n+2018 +\/n+2017
. u,, .. AIn+2018 +/n+2017
+ lim 2 = lim =1.
no Yy n—>+00 \/n+2019 +\/l’l+2018
1 1 1

+0<u = < < .
" n+2018 +/n+2017  2n+2017 ~ 242018

Cau 32.
Loi giai
Chgn C



Goi E, F lan luot 13 trung diém cua AB vaCD . Khi do, ta c6:
Ta i {NE//MF(//AC)

nén MENF' 1a hinh binh hanh.
ME //NF(//BD)

o {NE /1AC . ‘ .
Mat khéc: = goc gitta AC va BD 1a ZENF =90°.
NF//BD
Suy ra: MENF 1a hinh chir nhat.
Hinh nhu d& cho dir kién sai: 4C =a thay vi AB=a.
Néu 4B =a thi khong giai duoc.
Néu AC = a thi ta giai nhu sau:
Xét AMNE vudng tai E. Theo dinh li Pitago, ta co:
3(1]2 +(a]2 B av10

2 2 2

MN =+ ME*+ NE? = [

Chu 33.
Loi giai

Chon A

A. Saivi O4+OB =201 (I 1atrung diém AB) = OM =20 = O,M,I thang hang.
B.Saivi OM =OB= M =B va OB=kBA= O, B, 4 thang hang: vo ly

C. OM =kOA+(1-k)OB < OM — OB = k(OA-OB) < BM =kBA = B, 4, M thing hang,

D. Sai vi OB—0A = AB=>OB = k(@—@) —kAB = O,B, A thang hang: vo 1y.
Ciu 34.

Loi giai
Chon D

4" _ 3’1
V16" +4" +4/16"" +3"

(3
4" 3" 4 11

=lim =1lim —.

J16.16" +4" +416.16" +3" Y Ty 414 8
16+ 2 +,/16+ 2

Cau 35.

Tacod T = lim(\/16”“ +4" —AJ16" +3) — lim

Loi giai
Chon D



1hcdlmp;ﬁi113—nm( £ +3-2)(Vx+3+2)(V2e1+1)
V2 1-1 T (V2= 1 -1 (Va3 +2) (V2x—T+1)
(x=1)(V2x=T+1] i (sz—1+4)__1

x—1

2(Vx+3+2) 4

=lim

(20 -2)(Vx+3+2)

Do dé: a=1,b=4.
Vay a+b=5.

PHAN II: TU LUAN

Cau 36.
Loi gidi
J4 l 1 1 N 3 7 1
Tacod u, =lu,=—;u;,=—;u,=—. Tudd du doan u, =—(*)
2 3 4 n
Chtng minh (*) luén dung bang phuong phap quy nap:
Véi n=1—-u, =1 (dtng ).

Gia str (*) ding voi n =k (k>1) nghiala u, =%

Ta chtirng minh (*) ding khi n =k +1.Nghia la ta phai chimg minh:u, , = ﬁ
+
A A ) \ .o <A ’ uk 1 k 1 y
That vay theo bai ra va gia thiét quy nap taco u,, = ding,

w +1 Kk k+1 k+1

nghia la (*) cling ding véi n=k +1.

Vay u, _1 voi n>1. Taco limu, =1iml=0. Vay limu, =0.

n n
Cau 37.
Loi gii
Ta c0: limﬂz limwzlim()ﬁﬂ =2+2=4.
o2 x—2  xo2 x=2 X2
Cau 38.

Loi gidi
bat f(x):x5—5x3+4x—1.
+ Ham sd f(x):x5—5x3+4x—1=x<x2—1)(x2—4)—1 lién tuc trén R .

, __ A P L K )=— N_s_,.18 _
FTaco f(-2)= 1<O,f( 2j_32 1=250, 7(-1)- 1<0,f[2j Ba=Bso, =<0,

/(3)=119>0.

3 . 3
Vi f(—2)f£—5j <0 nén phuong trinh ¢6 it nhat 1 nghiém thudc khoang (—Z—EJ :
3 . _ 3
Vi f ) ./ (=1)<0 nén phuong trinh c6 it nhét 1 nghiém thudc khoang —5;—1 :

1 . 1
vi f(-1).f (E) <0 nén phuong trinh ¢6 it nhat 1 nghiém thudc khoang [—I;Ej.



1 . 1
Vi f(gj ./ (1) <0 nén phuong trinh c6 it nhét 1 nghi¢m thudc khoang [E;lj.
Vi f (1) f (3) <0 nén phuong trinh c6 it nhat 1 nghiém thudc khoang (1; 3)

3 3 1 1 _ .
Do cac khoang —2;—5 ; _E;_l ; —1;5 ; 5;1 : (1;3) khong giao nhau nén phuong trinh c6 it nhat 5

nghiém.
Ma phuong trinh da cho 1a phuong trinh bac 5 ¢6 khong qué 5 nghiém.
Vay phuong trinh da cho c6 ding 5 nghi¢m.

Cau 39.
Loi gidi
A b
\ y B
|
¢/ N
| AY
A |
_D : \\ JI
: \\ RRRN ‘,_c N
= \ Seal
i Y
| \
| AY
\
[} SR N B
A} ;
; \
/ \
; \
7 A
1/ \‘
D’ \ Cf

Pt AA'=a, AB=b, AD=c.
Ta co ] =[f

:H:a va ab=ac=bc=0.
AC'= A4+ AB+AD =a+b+c.

VN = AN - 407 = (4B -+ BN) - (4D + D) =+ Za |- (428 ) =X 1-2]5-c.

a a a a
Do do
ACT =(ab+3)| 2o 1-2 ]2 | 23"+ 1-2]f -
a a a a
=1 +(1—£j.a2 —a’ =0.
a a

Vay AC' L MN .
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PHAN I: TRAC NGHIEM KHACH QUAN

BI

Cau 1.
Loi giai
AJ
lf:
l
py | Y,
i
! "
rot
P
I 1
pod
FZ ' SO —
i K <
I 'l ~
i
, .
l’a” N ~
D C

Ta co: W/M:m:lﬂ’\@:@".
Vi AD=A'C'=C'D.

Cau 2

Loi giai
Chon A
Ta co: lim —Sx-1 = 311 =-2.

W x+1 I+1

Cau 3.

Loi giai
Chon D
Vi chi ding véi b#0.
Cau 4.

Loi giai
Chon B
lim( —2n’ +3)—hmn (1 %+%)=+oo

n°- n

Vi limn* = +o0; lim(l 5 +i4):1.
n’> n

Cau 5.




Loi giai
Chon B
Qua phép chiéu song song, tinh chit chéo nhau khong duoc bao toan.
Cau 6.
Loi gidi
Chon C
x#-3

Ham s6 c6 nghia khi x2+5x+6¢0<:>{ .
x#-2

x> +1

Vay theo dinh Ii ta c6 ham s6 f'(x) T lién tuc trén khoang (—o0;—3);(-3;-2) va (=2;+).
Cau 7.

Loi giai
Chon C

Tacod: lim x+12:1im ! - (x+1)=—00.
H‘2()c+2) H‘z(x+2)

Do lim
¥>=2 (x + 2)

=+oova lim (x+1)=-1<0.

2 x—>-2

Cau 8.

&8O

Cau 9.

Loi giai
Chon C
Ta co6 ling(2x2 +3x—5) -5,

Chu 10.
Loi gidi:

Chon C

A sai vi limg" =0 khi |g|<1.

Cau 11.

Loi giai
Chon D
C=0.
Cau 12.

Loi giai
Chon A
Vicothé b=0.
Cau 13.

Loi giai
Chon D

Ta co: limz_n=limn = =1,
n+1 1oL 140

Cau 14.



Loi giai

Chon A
1
24+—
fim 251 g X_»p.
x—>—0 X +1 X—>—0 1+ b
X
Cau 15
Loi giai
Chon C

Dya vao PINH NGHIA 1 SGK Dai s6 va Giai tich 11 (trang 136):
“Cho ham s6 y = f(x) xdc dinh trén khoang K va x, € K. Ham sé y = f(x) duoc goi 14 lién tuc tai x, néu

lim ()= £ (3)"

Ta thay khoang K béi khoang (a;b) s& duoc ménh dé ding.

Cau 16.
A’ D’
| o
B’ !
| |
B S D
B c
Loi giai
Chon B
Taco u=AD'+AB+AA=AC+A44=AC.
Cau 17.

Loi gidi
Chon A



B!

Taco A'B'// AB =(BC, A'B')=(BC,, 4B)= ABC, .

AB’ + BC} - AC?

Tam giac ABC, c6 AB=1; AC, = BC, =~/2 va cos B =
2A4B.BC,

<:>cosB:—2.
4

Cau 18.

Loi giai
Chon A
Ta c6 G 1a trong tam tam gidc ABC nén GA+GB+GC =0
Suy ra S—A+S—B+§J:E+@+E+@+@+@:3@+(@+@+@):3E.
Cau 19.

Loi giai
Chon D
. 2 2 . 4n . 4
11m(\/n +2n—\/n —Zn):hm\/ = \/ = =lim > > =2
n°+2n+~n"—2n /1+7+ /1_7
n n
Cau 20.
Loi giai
Chon D
Ham s6 lién tyc tai x=2 < lirrzlf(x) =1(2).
x’ -
Ta co lim =1im(x—1)=1.
-2 x+1 x—2
=+/3
Viy m*—2=1|" o
n=—3
Cau 21.
Loi giai
Chon A
" (xx+2)(Bx+10 - x| (V3x+10-x) 4
lim —————=lim 5 = lim =—.
=2 3x+10+x 2 3x+10—x x>-2 5—-x 7
Cau 22.

Loi giai



Chon B
1

1) —(n* - 34—
Tac():1im(n+1—x/n2—n):1im(n+) Gt B 50 =1im—”:%.

n+1++n’*—n n+1+\/n2—n 1 1
1+—+,1-—
n

n

=a=3b=2=a+b=5.
Cau 23.

Loi giai
Chon D

Tacod: B= lim(\3/n3 +9n° —n)
In?
.3[(113 +9n° )2 +n3n® +9n® +n?
? =3.
(. 9y [ 9
3(1+j +,/1+=+1
n n

Cau 24.

=1lim

=1lim

Chon A

3 2
Ta co lim 2n tntl =lim
(n+1)(2n° -1)

Cau 25.

Chon B

AB.CD = (@ — a).@ = CB.CD - CA.CD = CB.CD.cos60° — CA.CD.cos60° =0 .

Cau 26.
Loi gidi
Chon C
Ham phan thuec lién tuc trén mdi khoang xac dinh cia né. Tai diém x =1 ham sd khong xac dinh, do d6 ham
s6 khong lién tuc tai nhimg khoang chira x=1.
Cau 27.
Loi giai
Chon D



3 1——
Ta cod lim " 32n = lim —2 =l.
2n” +1 2 1 2
t3
n
Cau 28.
Loi giai
Chon C

Vi G 1a trong tdm tam giac BCDnén GB+GC+GD =0.

— ——— e e e e e e

AB+ AC+AD=AG+GB+ AG+GC+AG+GD =34G.

Cau 29.
Loi giai
Chon B
Tacod BAC va BAD 1a 2 tam giac déu, / 1a trung diém ctia 4B nén CI = DI (2 dudng trung tuyén cua 2
tam giac déu chung canh 4B ) nén CID la tam giac can & 1. Do do 1J L CD.

Cau 30.
Loi giai
Chon A
. 1-x . (l—x)(\;Z—erl) .
L=l o=y =l =lim (V2 -x +1)=2.
Cau 31.
Loi giai
Chon A
Ta co: f(1)=2m+1.
I —(x 1) X +x+1)
lim £ (x) =lim=— = lim x(l )—Eﬂ[—(x”x“)%—?’-

Pé ham s6 lién tuc tai x =1 thi 11mf(x)=f(1)<:>2m+1=—3<:>m=—2.

x—1
Cau 32.
Loi gidi
Chon B
Hamsb y = f(x)xéc dinh trén R .

V1+2x -1
X

Véi x>0 tacéhamsd f(x)= lién tyc trén khoang (0;+0).

Véi x<0 taco f(x) =1+ 3x lién tuc trén khoang (—oo;O).
Véi x =0ta co: f(O) =

lim f(x) =lim(1+3x)=1.

x—=0" x—=0"

(J1+2x—1] . 2x . 2

=lim| — |=lm| —— |=1.

0! x(mﬂ) o0 (MH)

Vi lim f(x) = lirg} f(x)=f(0), nén ham s4 lién tuc tai x = 0. Vay ham sé lién tyc trén R.

x—0"

Cau 33.

lim f(x) = lim

x—0" x—0"

Loi giai
Chon C



C
Goi M la trung diém BC. Do tam giac ABC cantai 4 vatam gidc DBC can tai D nén, co:

BC 1 DM
= BC 1 4D
BC 1L AM
Cau 34
Loi giai
Chon D
4+2
X —4x+2-x7 - _ Ty
lim(\/x2—4x+2—x)=llmx YT im dxt2 = lim = =-2.
e = ¥ —dx+2+x TN —Ax 2 +x ’H““\/1 4 2
——+—+1
X X
Cau 35.
Loi giai
Chon D
Tacé lim f(x)=lim (x* +ax+1)=5+2a, lim f(x)= lim (2x" —x+3a)=6+3a.
x—2" x—2* x—2" x—2"

Ham s6 ¢6 gii han khi x — 2 khi va chi khi limf(x): limf(x)<:>5+2a:6+3a<:>a:—1.
x—>2" x—>27
Vay a=-1

PHAN II: TU LUAN

Cau 36.
Loi gidi

Ta chirng minh 0 <u, < %; Vn e N*(1) bang quy nap.
/4 ]' ~ 7
Taco u, = 5 nén (1) dung.

2
Gid sur 0<un£l:>0<uf+lunﬁ(l] +1-l=i<1:>0<un+,sl
2 3 2) 32 12 2 2

Vay (1) ding véi moi s6 nguyén duong .

n—1
1 1 5 5 5
Tacd O<u, SE;VneI\I"‘:>0<un+§£g:>0<un+1 Sgun;VneN*:>0<un S(EJ u,



n-1
Vi lim [%) u, =0 nén theo nguyén ly gidi han kep suy ra limu, =0

Cau 37.
Loi giai
2 — — —
fim %43, oD(=3) X3,
=l X7 —3x+2 x—>1(x—1)(x—2) =l x—2
Cau 38.
Loi gidi
Xét ham s6 f(x):ax2+bx+c.
+ Ham sd f(x):ax2+bx+c lién tuc trén R ..
+ Ta cb f(O)zc, f(2)=4a+2b+c, f(%jz%-l—%-l—c

Do do f(0)+4f(%j+f(2)=5a+4b+6c:0

Suy ra ton tai hai gia tri p, ¢ sao cho f(p)f(q)é 0.

Vay phuong trinh ax® +bx +c =0 ludn c6 nghiém.
Cau 39.

Loi giai

Ta c6 ASAB = ASAD = BE = DF = EF // BD = EF =kBD,k #0.
Do do6 ﬁ.ﬁ:kﬁ).(ﬂ+ﬂ?)=kﬁiﬂ=k(E—E).§4’=0.

Suyra EF L SC hay EF 1 SC.
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Cau 1.
Loi giai

3
n n

Ta co. lim(n3 —4n* +3) = lim(n3 (1—£+1D =400,

Cau 2.

Loi giai

Vi f(a)f(b)>0nén f(a) va f(b) cling duong hodc ciing am. Ma £ (x) lién tuc, ting trén [a;b] nén dd
thi ham £ (x) ndm trén hodic ndm duéi tryc hoanh trén [a;b] hay phuong trinh f(x)=0 khong c6 nghiém
trong khoang (a;b).

Cau 3.
Loi giai

Ta co: lim(u, +3v,)=2019
< limu, +3limv, =2019

& 5+3a=2019
2024

3

Loi gidi
Chon B
A=——.

Cau 5.

Tap xéac dinh ciia ham s y:L1 la ]R\{l}.
X+

Loi giai

Ham s lién tuc trén tung khoang (—oo;l) va (1; +oo) nén ham sd khong lién tuc trén R .
Cau 6.



Loi giai
Chon D

Taco: b—c+d=AB—-AC+BC=CB+BC=0.
Cau 7.
Loi giai
Chon C
liml=1>0

Taco: < lim(1-a)=0

x—a

x—a<0khix—>a

Viay lim
xoa X—d
Cau 8.

= —00,

Loi giai
Chon D
Vicothé b=0.
Cau 9.

Loi giai
Chon C

lim x° = -0

lim (x*+5) = lim x3[1+%J:—oo Vil 5 :
o o x lim (1 + —3j =1>0

x> X
Cau 10
Loi giai
Chon A
c’ ):
s
E A
L —
N, ~ B
1)’ :-‘LI A
Taco MN//A'C' ma A'C' L B'D' = MN 1L B'D'".
Cau 11.
Loi giai
Chon D
Sai vi @ va ¢ c6 co thé khong dong phang.
Cau 12.
Loi giai
Chon B

Ménh & dung 1 “Trong khong gian hai dudng thang chéo nhau thi khong c6 diém chung.”

Loi giai



Cach 2: Bim may tinh nhu sau:

— + CACL + x=10" va so dap an.

- X
2
Cach 3: Dung chtrc lim ctia mdy VNCALL 570ES Plus: hm2x_21 va so dap an.
x> 10°
Cau 14.
Loi giai
Chon D
s(q 2,1 ) 2 1
5 3 n (8_2+5 8—724‘75
Ta ¢6 1im%:nm S lim L
n +in + n5(4+3+5j 4+7+75
n n n n
Cau 15
Loi giai
Chon A
n— 3_2
Ta co: lim =lim—2 =3
n+3 1+é
n
Cau 16
Loi giai
Chon A
Cau 17.
Loi giai
Chon D
F =+x.
Cau 18.
Loi giai
Chon C
/n 120 —2n . (\/n2 +2n —211)(\/}12 +2n +2n) . 20— 3n
B (3n—2)(\/n2+2n +2n) (3n—2)(\/n2+2n+2n)
2-3 — _
~lim n(2-3n) ~lim " fim——t -1

(3n—2)(\n* +2n+2n Nn? +2n +2n 2 3
I+—=+2
n

Cau 19.

Loi gidi
Chon D
718(2+l2)"‘.ng(1+g)9 (2+i2)"‘.(1+%)9
Taco: C=lim n ] n_ —lim L - n
n'’(1 +F 1+ﬁ
Suyra C=16.
Cau 20.

Loi giai



Chon B

A.Ding vi SA+SB+2SC+2SD=6S0 SC L (BIH).

Vi O,A4,C va BIH théng hang nén dat OA = k&f; OB =mOD

= (k+1)OC +(m+1)0OD =0.

04_08 _

Ma OC,OD khéong cing phuong nén k=-2 va m=-2 = —— = 2= AB//CD.
oCc 0D

B. Diing. Hs ty bién doi bang cach chém diém O vao vé trai.
C. Sai. Vinéu 4BCD 1a hinh thang can c6 2 déy 1a AD, BC thi s sai.

D. Dung. Tuong ty dép 4n A v6i k =—1,m =—1= O la trung diém 2 dudng chéo.
Cau 21.

Loi giai
Chon A
Taco: lim f(x)= lim{w+2x} =4
x—>2" x—>2F x—2
lim f(x) =lim (xz —x+3) =5 lim f(x)
x—2" x—>2" x—>2"
Ham s6 khong lién tuc tai X, =2.
Cau 22.
Loi giai
Chon B
¥ —3)(=x-3 e
Taco: lim—o > = T G ) T S Y
=3 xT —4x+3 3 (x—3)(x—1) =3 x—1
Cau 23.
Loi giai
Chon D

AB.CD + AC.DB + AD.BC = (E+ @).@+%.ﬁ _ AD.CB
:E(@+ﬁ)+@(@-@):%@+@% =0.
Cau 24.

Loi giai
Chon D



Trong (ABC ): ké AD sao cho ACBD la hinh binh hanh.

Ta c6: BC/l AD Nén (AB';BC)=(AB';AD)=B'AD.

Ta ¢6 AD=BC=a3, AB' =\ AB*+ AB'* =a\3, DB =\ BB + AC* =a~[3. Vay tam gisc B'AD déu
nén B'AD =60°.
Cau 25.
Loi giai
Chgn A
Ly thuyét quy tac hinh hop, bat dau tir dinh B .
Cau 26.
Loi giai
Chon A

2-5"7 o5 25 25 ]

Loi giai

E H
Goi canh hinh 1ap phuong bang a .

Tact 5G - 57+ BC = ACHF = 4C(BF+ BC) = ACHF + ACHC a2 2 =

Lai c6 AC.BG = 24" cos(4C,BG) = cos(4C,BG) = = (4C,BG)=60".



Cau 28.

Chon B

Ta c6 tam giac SAC cantai S va SO 1a dudng trung tuyén ciing dong thoi 1a dudng cao.
Do d6 SO L AC.
Trong tam giac vudng SOA4 thi AC va SA khong thé vudng tai A .
Cau 29.
Loi giai
Chon C

546 (x—2)(x—3)(\/4x+1+3) (x—3)(\/4x+1+3) 3

lim =lim =lim =—=.
=2 J4x+1-3 2 4(x—2) X2 4
Cau 30.
Loi giai
Chon C
. Ix . x
sin—-sin—-
Tach: A=lim—2— 2 ="
-0 . 1lx . x 11
sin——sin—
2 2
Cau 31.
Loi giai
Chon A
1-n? 1
Taco: M =lim =——,
J(1-n?—8n®) —2n1-n?—8n® +4n> 12
Cau 32.
Loi giai
Chon A
. xT=2x . x(x-2) :
YCBT & lim~— = 1(0) @%T:f(o) e lim(x-2)=£(0) < £(0)=-2.
Cau 33.
Loi giai
Chon B

Ta c6 khang dinh A dting vi ham s6 y =sinx 14 ham so cap.

Ta co khéng dinh B sai vi tai x=-3 ham sd khong xéc dinh.

L1 £ x+1 ., . oal2 “ s X A ;g .
Ta c6 ham s0 y =—— gian doan tai diém x =0 vi ham s0 khong xac dinh tai x=0.
X



Ham s6 y =x* —3x* +21a ham so c4p lién tuc trén R .
Viay khang dinh B sai.

Cau 34.
Loi giai
Chon C
Tacod lim f(x): lim 2x+m):m
x—0" x—0"
: . Al+4x -1 . 4
1 =lim——— = lim ——=2
fim S ()= B == I
Ton tai giéi han lim £ (x) khi va chi khi lim £ (x)=lim f(x) & m=2.
x—0 x>0~ x—0"
Cau 35.
Loi giai
Chon A
2
Ham s6 lién tuc tai x =2 khi va chi khi lim f(x)= f(2) < lim %:fﬁ)
x—2 x—2 X —
-2)(x-3 _
& lim M:f(z) elim 220136 t=2a13 @ a=-_.
x—2 2()(?—2) x—2 2 4

PHAN II: TU LUAN

Ciu 36.
Loi gidi
, Y™ (1) 1
Taco: un=(un—un_1)+(un_l—un_2)+...+(u2—ul)+u1= ) + ) +...+E+1.
1 n—1 1 n-2 1
Day (EJ ’(EJ ,...,5,1 12 mot cdp s6 nhan c¢6 n s6 hang voi s6 hang dau u, =1 va cong boi ¢ =5 nén
1 n
1{2) 1" 1y
un:—:2—(—j Vay lim(un—2):1im —(—j =0.
1_1 2 2
2
Cau 37.
Loi giai
2_ 2x—1)(x-2 _ _
Taco: lim 202 gy (2 D(22) 200l 2271 L
=2 x -8 22 (x=2)(x* +2x+4) D27 +2x+4 2042244 4
Ciau 38.
Loi gidi

Dat f(x):(m2+m+l)x4+2x—2.
+Hamsd f(x)= (m2 +m+ 1)x4 +2x—2 lién tyc trén R nén ham sb lién tuc trén [0;1].

+ Tacod

f(0)=-2
Symit=(mad) 43
f(1)=m +m+l—(m+2j +4>0,Vm

Nen £(0).£(1)<0



Vay phuong trinh ( nt + m+ 1) X +2x—2=0 co it nhat mot nghiém trong khoang (0;1) nén phuong trinh

luén c6 nghi¢m.
Cau 39.
Loi giai:

Ta c6: AB.CD+ BC.AD+CA.BD = AB.CD +BC.(,TC + CT)) + @.(E? + CT))

—_— e\ —

Gia st trong to dién ABCD ¢6 AB 1. CD,AC 1 BD thi ta cé:
AB1CD |ABCD=0
=
AC 1L BD CABD =0

Theo CM trén ta ¢6 AB.CD+ BC.AD +CA.BD =0= BC.AD =0 <> BC L AD (dpcm)
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PHAN I: TRAC NGHIEM KHACH QUAN

Cau 1.
Loi giai
T |
Taco: imn" =lim - =0.
=
Cau 2.
Loi giai

Chon B
G 1a trong tAm tam gidc ABD nén GA+GB+GD =0= CA+CB+CD—-3CG =0
= CA+CB+CD=3CG .
Cau 3.
Loi gidi
Chon B

tim (o ~1 =30’ +2)=1imn(\/1—i2—\/3+%}_oo.
n n

Vi limn = +oo; lim{\/l—%—\/3+ 2 le—\/g<0.
n

2
n

@)

au 4.

Loi giai

Trong khong gian c6 vo s6 dudng thing qua O va vudng goc voi A.

Cau 5.
Loi giai
Chon A
Taco: A= lim (|x|\/1+l+i2—Xi/2+iz_i3J
X—>+0 B X x
= lim x(\/l+l+i2—i/2+i2—%J=_oo,
X—>+0 X x X X
Cau 6.
Loi giai

\ J4 p . . T A A~ “n ~ 2 1A A A . . 5 p
Ham s6 y =tanx x&c dinh khi x # By + k7 nén khong lién tuc trén R . Chi lién tuc trén tap xac dinh cta no.

Cau 7.

Loi giai
Chon D
lim (x*+1)=9.

x—2



Loi gii
Chon D
7(0)=0.
lim £ (x) = lim (x* +1) =1 = £(0).

x—0" x—0"
Vay ham ) gian doantai x=0.
Cau 9.
Loi giai
Chon A
lim (x—lS) =-13<0

x—>2%
fip(r=2)=0

Vix—>2"nén x>2.Dodbé x-2>0.
. .. x-=15

Ta co

Loi gidi
Chon C
Cau 11.
Loi giai
Chon C
Khiang dinh D chi dung khi M #0.
Chu 12.
Loi gidi
Chon B
Khi phuong chiéu / théa man («)//I hogc () > thi cac doan thang AB, BC,CA c6 hinh chiéu 1én (P)

ndm trén giao tuyén cta () va (P).

Cau 13.
Loi giai
Chon B
1 2
n Tz
Ta cé: lim—; =lim——2"_-0.
n*+3n-1 NS
2
n o n
Cau 14.
Loi giai
Chon A

Hai duong thang a,b 1an luot c6 véc to chi phuong 1a u,v va (ﬁ,;) =125 thi goc giita hai dudng thang a,b

bang 180° —125° =55°.
Cau 15.
Loi giai
Chon B
3+2x

Jim — toovi lim (3+2x)=—1<0; lim (x+2)=0va x+2 <0 khix<-2.
=27 x+2 x—>-2" x—>-2"



Loi gidi
Chon D
1
2 a3 —=3 3
Ta c6 lim—; 3n = lim —2 :—3.
n+5n-2 ) 5 2 2
T3
n n
Cau 17.
Loi gidi
Chon C

S = lAB.AC.sinC = l\/ABZ.AC2 sin’ C = l\/ABz.AC2 (1—(:052 C)
2 2 2

-1 J4B*.4¢* ~(aB.ac) .
2
Chu 18.
Loi giai
Chon D
TXD: D=R.
Ham s6 f(x)=x’—1000x>+0,01 lién tyc trén R nén lién tuc trén[-1;0], [0;1] va [1;2], (1).

Taco f(~1)=-1000,99; f(0)=0,01 suyra f(~1)./(0)<0, (2).

Taco f(0)=0,01; f(1)=-999,99 suyra f(0)./(1)<0, (3).
Tu (1) va 3) suy ra phuong trinh f(x) =0 c6 it nhat mot nghiém trén khoang (0; 1) .
Taco f(1)=-999,99; f(2)=-39991,99suyra f(1).f(2)>0, (4).

Tur (1) va (4) ta chua thé két luan vé nghiém cua phuong trinh f(x)=0 trén khoang (1;2).
Cau 19.

Tu (1) va (2) suy ra phuong trinh f (x) =0 c6 it nhat mot nghiém trén khoang (—l; O) .
(

Loi giai

Chon B
Ham sé f(x):jcc—j ¢6 tap xac dinh R\ {1} nénhap

Cau 20.

Chon C )
Goi M la trung diém CD.
Ta phan tich:

AG = B+ BG = 4B + BM = 4B + (A} - 4B)

4B +3| 1(4C 4 AD)~ 48 | =348 4 4C+ AD) =17+ 5+2).

Loi giai

2 - _ p—
Taco lim = —123+35 _p (oT)(x=3) o7 2
w5 25-5x s —5(x-5) % -5 5




Cau 22.

Loi giai
Chon B
Ham s6 xac dinh véi moi x thuoc R
. V1i-x+2 .
e Voi x<1= f(x) =X T2 ) ham sé lién tuc

xX+2
fx-1
Jr-1

e Tai x=1taco: f(l)z%
(x- 1)<f+1) 2

. Yx-1
1 ~1i ~lim 2.
xlljlf} f(X) xlj? \/_ 1 x—1* (x 1)(4 [ \/; + 1 3

Vi-x+2 2

o Vi x>1= f(x)= = ham s6 lién tuc

11mf(x)—1 ———lmfx) (1)
- x+2
Ham s6 lién tuc tai x=1.
Vay ham s6 lién tyc trén R .
Cau 23.
Loi giai
B
| C
A, |

| D

|

|

|

|

i

"',' \‘.:-O- : : - == C
o' —— - .-i—-
A 1{—\\\'/
-

Chon D

Goi A/C'NB'D'={0'},tacd: A4+ AC' =240’ .

Laicd aAA'O" vudng tai A" nén:
2

A0 = AA? + 40" = a2+a—=—a\6 j\AA'JrAO’\:Z‘Ao'
2 2

Cau 24.

a3
2

Loi gidi
Chon B

=2T:ax/g.



C
Theo dé bai ta c6: AABC, ADBC lan luot can tai A, D.Goi H 1a trung diém cua BC .

AH L BC  |ADc(ADH)
= = = BC 1 AD.
DH L BC  |BC L(ADH)
Cau 25.
Loi giai
Chon B
sin 5x
Ta co: lim =1; f(0)=a+2.
=0 S5y f( )
Vay dé ham sé lién tuc tai x=0thi a+2=1<a=-1.
Céiu 26.
Loi giai
\/4+ 1 \/1+ 2
Jant +1-+/ FEREEY SRR ENC I W
Ta co: lim 4n” +1 n+2:lim n n_n :2 0:1,
n
Cau 27.
Loi giai

Ta c6 tam giac ABC vuodng can tai 4, tam gidc BDC vuong can tai D.

Tac6 AB.CD = (zTB —ﬂ)@ = DB.CD - DACD
~[DB|[CB|cos( DB, CD) ~[ DA [CB|cos( DA.CB) =~

Mt khac ta lai c6 AB.CD = ‘ZE‘ ‘55‘ cos(ﬁfﬁ) = cos(ﬁ,gﬁ) = % = —%
= (4B,DC)=120°= (4B,CD)=60°.

Cau 28.

Loi giai



2 2
Ta c6 lim[x +l+ax—bj: lim [(a“)x (2a+b)x+2b+1j=—5

X400 x_z X—>+0 x_2
a+1=0 a=-1
= = =a+b=6.
2a+b=5 b=7
Cau 29.
Loi giai
Chon C

Cau 30
Loi giai
Chon A , :
Trac nghi€ém: Day s6 c6 gidi han 0 khi bac tir bé hon bac mau nén chon
1 N 2 1
5 T A
) +2n-1 .. 2 3
Ty luén: lim 2 > n3 =lim& 11—
n
Cau 31.
Loi giai
Chon A
I+—
1+3+5+....+(2n+1 2
Ta co: lim 5 ( L )=lim n2+n =lim no__-
3n" +4 3n" +4 3 4
Tty
n
Cau 32
Loi giai
Chon A

Goi I 1a trung diém CC’

ACAC' cantai 4 = CC' L AI (1)

ACBC' cantai B = CC' L BI (2)

— 0@ ,0C' 1 (AIB)= CC' L AB=>CC' = AB
Két luan: goc giita CC' va AB 1a 90°.

Ciu 33.

Loi giai

Chon D

- V4
bat: t=x——.
2



COS(t+2j
Khix—)%thit—>0.\/ayLzlim—:lim =-1.

—sint B
t—0 t t—0 t
Cau 34.
Loi giai
Chon C
Co 1imv5x+3_\/§:1im X e m=Sn=2k=3.
x50 x =0 x(5x+3++/3) 23
Cau 35

Loi giai

n+4+n+ /
1+—
n

PHAN II: TU LUAN

Cau 36.

1 1
batu, =v, ——, VneN* thi vy =u, +—=1
4 4

Khi do (n+2)2un+1 :nzun—n—1<:>(n+2)2(v ——j:nz(v —%j—n—l

n+l

2
2
< (n+2) vmznzv,l@vnﬂz( J v;VneN*

n+2

Suyra v —(n_l]z(n_zjz---[ljzv = 2 2v = 2 2 =u, = 2 2—1
A n+1 n 3) PV lm+Dn) N L+ Dn "\ (n+Dn 4

1
Vay limu, =——
y n 4

Cau 37.

Loi giai
(x—Z).P(x)
(x-2)0(x)

Cach 1: Phuong trinh x* —(a+3)x+2(a+1) =0 c6 mot nghiém 13 x =2 ma tong hai nghiém 1a S =a+3

Phuong phap: Gidi han trén c6 dang %nén ta dwa ham s6 vé dang f (x)=

nén nghiém tht hai cua phuong trinh 1a x=a +1.
Do dé x*—(a+3)x+2(a+1)=(x—-2)(x—a-1)

2_ —_ —_ —_ J— —_ —_
Vay X (a+32)x+2(a+1): im(x 2)(x—a 1): L x—a-1_1 a
X2 x" =4 X2 (x—2)(x+2) =2 x+2 4
Cach 2: St dung quy tic L’Hépital
A C) A C)

X=X, g(x) X—>X, g'(x) ’
Trong d6 f(x) , g(x) xac dinh trén khoang (a;b)vé X, € (a;b) .
lim f(x) = limg(x) =0 hoidc lim f(x) = limg(x) =+,

X=X, X=X X=X, X—>X,



f(x)

Va lim ton tai.
X‘)XO g (x)
Viy llmx (a+32)x+2(a+1):1im2x a 3:1 a.
x—2 x =4 x—2 2x 4
Cau 38.
Loi gidi

Pat f(x)=4x"+2x"—x-3.

+Ham s6 f(x)=4x"+2x" —x—3 lién tyc trén R nén lién tyc trén [-1;0], [0;1].
+Taco f(-1)=4, f(0)=-3, f(1)=2

Vi f(-=1).f(0) <0 nén phuong trinh c¢ it nhat 1 nghiém thudc khoang (—1;0).
Vi £(0). /(1) <0 nén phuong trinh c6 it nhat 1 nghiém thudc khoang (0;1).

Ma (—1;0)va (0;1) 1a hai khoang phén biét.

Vay phuong trinh 4x* +2x%> —x—3 =0 c6 it nhat hai nghiém trong khoang (—1;1).
Cau 39.

Loi giai

Pit CA=a,CB=b,CS = ¢ thi \a\=\g\:

2.lc|=2 vaac=bc=0,ab=16.

Ta co, cos(CE,SF) = ‘cos(CE SF)‘

2
Ma ﬁ:ﬁ—ﬁ:%B—E:SF%GB—Ej 2 SF =23,

CE:%(CA+CB) I(Zz 13) = CE> = 1(a+l;)2:24:>CE:2x/g.

:>CTE.SF— a+b ( j

Vay cos(CE SF ‘CE SF‘ 12 \/E ~~ hay goc giita hai dudng thing CE, SF bang 45°
~|CE|[sF| 2v32v6 2
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Cau 1.
Loi giai
lim n* = 40
) ) . 5 3 \
L=hrn(3n +5n—3):hmn 2+———|=+00 Vi q 5 3 .
n n lim 2+———|=2>0
n n
Giai nhanh :3n° +5n-3 ~ 3n* —— +w.
Cau 2.
Loi giai

Ta c6: MD//(SBN) nén d(MD,(SBN))=d(M,(SBN)).

Ma MAN(SBN)=B= 2%” ((55]]5)))) = ]jg =%. Vay d(M,(SBN)) :%d(A,(SBN)).

Ké AI L BN,AH L SI thi AH L(SBN)=>d(A,(SBN))=AH.

Al AB . .
Tac6 MBI ~ ANBM (g.g) = - =48 _ 4 MNAB _ 2aa _ 4a
MN NB NB o177 17
2
. 1 1 1 1 4
Lai c6 T T e T 2 a2t 72=3—32:>AH:_a'
AH- SA° Al a° 16a° 16a 33
1 4a 2a
Vay d(MD,(SBN))=—.——=——.
(MD,(SBN))=5.—== 7=

Cau 3.



Loi giai

Loi giai:

Néu a L ¢ thi (a;c) =90°;khi a / /btaco (b;c) = (a;c): 90° vay b L ¢

Cau 5.

a

au 6.

Loi giai

Lay may tinh bam timg phuong an thi phan D ra két qua dé bai

Cau 7.
Loi giai
S +2 242
D¢ thay ImXT2 =272 _y4
-2 x—1 2-1
Cau 8.
Loi giai:
1
—2n —=2
Ta cod lim =limZ [~ 3
n+1l 340
n
Cau 9
Cau 10
Loi giai

Ta c6 tam giac SAC cantai S va SO 1a duong trung tuyén ciing ddng thoi 13 duong cao.
Do do SO 1 AC.

Trong tam giac vudng SOA thi AC va SA khong thé vuodng tai A.

Cau 11.



Loi giai
Chon B

. . , . . 3\j4x—2 34x0_2 N X e n .
Voimoi x, =2 tacé: lim f(x)= lim ;= = £ (x,), suy ra ham so lién tuc tai x, .
x—>x0 x—’xo x — xO J—
Xéttai x =2, taco:

3 — —
+) 1imf(x):hmm 2 dr 8

= lim

g = x-2 x"z(x—z)(w3/(4x)2+2%+4)

: 4 _ 4 B
T ] [ )

+) f(2)=2a+3

1
3

, . ) 1 4
Dé ham s0 lién tuc trén R thi phai lién tuc tai x =2 (:hmf<x>:f(2)<:)2a+3:—(:>a:——

x—2 3 3
Cau 12.
Loi gidi
Chon D
D' C'
|
A’ B
]
|
|
l
|
o c
A B

Taco (44',B'D")=(BB',B'D')= BB'C =90". Khing dinh B sai.
Céu 13.

Loi giai
Chon B

C

Tacé N 1a trung diém ctia CD = MC+MD =2MN (1)

[\

Va M 1a trung diém cua AB suy ra MA+MB =0 (

_— — —

Tir (1),(2) suy ra MN :%(MCJrMD) =%(MA+AC+MB+BD) =%(Z€+Eﬁ).

Két hop gia thiét M—Nzk(A—mﬁ)):k:%.



Cau 14.

Loi giai
Chon B
Ta co:
. 2 _
+ }Lr?f( )—}g}(x +ax+1)—23+5

+1im f(x)= lim (2x2 —x+1):7

x—2" x—2"

.z x’+ax+1 khix>2 | . i
+Ham so f(x)= c6 giGi han tai x =2
2x>—x+1 khi x<2
2a+5=T<a=1.

Cau 15.

Loi giai
4, B,
! 7’
I 7z
D=1 -
1 \:\\\ L7 C
1 ~o
I 4
1 AN
1 ~
pea b
I};/_l_ _________ - B
e
17
D C

Tacé AD = AD, = AI—C+ C—D] suy ra C—Dl, AD, Al—(f dong phang.
Céu 16.

Loi giai
B C
|
A i D
|
I
|
I
*- ___________ - ’
// BI C
/
A’ D'

_— —

Tacd AC+BA' = AC+CD = AD' va DB+C'D=DB-DC =C'B=D'A.
Suyra AC+BA'+k(DB+C'D)=AD +kD'A=0< (k—-1)D'd=0 < k=1.

Cau 17.
Loi giai
lim (x—2) / / x(x 2)? f(x 2)x
e x—>2+ x> — x—>2+ x+2
Cau 18.
Loi giai

Tap xac dinh D = R. Piéu kién bai toan tuong duong voi



sin 7x

m= f(1)=lim f(x ) =lim

x—1 e e |
St mea) sl (—z).—smﬁ(x_l) (*)-
x—l x—1 x—1 x—1 x—l1 ﬂ(x_l)

bat t:ﬂ(x—l) thi # — 0 khi x —> 1. Do d6 (*) tr¢ thanh:

sint

m= lgl()l(—ﬂ')T =-7.
Cau 19.
Loi giai
Chon B
+ 2
Gidi han ¢ phuong 4n A 1a: lim 22x+3 = lim % =0.
x>0 x° — 8§y x-o-—0 _é
x
1 1
. . L 2 +x-1 2+;_?
Gidi han 6 phuong an B la: lim ————= lim ———=2.
x>+0  3x 4+ x X400 3
—+1
x
1 1 N 3
32 - —
Gidi han & phurong 4n C la: lim ~—% > = fim — & X" _
X—>+0 5x2 — _x3 X—>+0 é _1
x
X’ -
Gidi han ¢ phuong 4n D 1a: lim o= lim (x—1)=—c0
X—>—00 x+ X—>—00
Cau 20.
Loi gidi
Chon B

Vi I 1atrung diém cua B'C' = A'B' + A'C'=2A4'I.

Va K la giao diém ctia A'I, B'D’ nén theo dinh li Talet = A'K = %E

Taco AK = A4 + AK = A4 + 5 AT = dd 42 (4B + AC)=Za+3b e,
Khi 46 DK = DA+ 4K =CB+ AK = (4B~ AC)+ AK.

=a—5+la+l
3 3

@

au 21.

Loi giai
Chon A



2 .
X6t ham sé v = _ X"+ 2x =2 kh1.x22
cthdmse y f(x) {5x—5m+m2 khi x <2
+ TXD: D=R
+/ D& thay ham s6 lién tyc trén ting khoang (—o0; 2) va (25 + o)
Nén ham s6 lién tuc trén R < ham sd lién tuc tai x =2 < lim £ (x) = /(2) (1)

Ta co:
lim /(x) = }Lrg(xz +2\/xTz)=4; lim /(x) = lim (Sx—Sm+m’)=m’ =5m+10; f(2)=4
(1) = lim f(x) = lim f(x)= f(2) & m’ =5m+10=4 & m’ —5m+6=0<:>[22§
x—>2 x—2
Céu 22.
Loi giai
Chon D.

-6 2(x* -3)

Tacéd lim == =lim ——— = lim 2 =443
aco lim o= lim = = lim 2(x+3) =43
Suyraa=4,b=3.Vay P=a+b=7.

Cau 23.
Loi giai
Chon C
lim (Vi +4 —n+3) = limJn ! =lim 1 _L
Jn+4+n+3 4 3 2
I+—+,[1+—
n n
Cau 24.
Loi giai
Chon B

Ham s6 y=h(x) c6 TXD: D=R.
Dé théy ham sb y= h(x) lién tuc trén mdi khoang (—oo;O),(0;2) va (2;+00) )

4(0)-1 -
Ta co {lim () = lim 2x = 0—>f(x) khong lién tuc tai x=0.
x—0" x—0"
h(2)=5
Taco < lim h(x)= lim (x2 +1)=5—>f(x) lién tuc tai x=2.
x—=2" x—=2"
fiph(x)= fim (=) =3
Cau 25
Loi giai
Chon A

Ta co:



x2%8 x 4+i
XA +1 - XA +1 lim - X2

[im——=

X—>+o0 2019 X—>+0 2019 x50 2019

(2x+1) {x(2+1ﬂ x2°19(2+1j

X X
1
i e Jao 2 1
- 2019 2019~ H2019 ~ 2018
X—>+0 2 2
[2+ 1 j (2+0)
X
Cau 26
Loi giai

Chon D
Ta ¢6 limjz;)d: lim— =% —fim L =1

=2 2x° —=5x+2 o2 (2—x)(1—2x) =2 1—-2x 3
Cau 27.

Loi giai
Chon C
A
B C
M
D

Goi M 1a trung diém cta CD.
Ta c6 CD.AM =0 va CD.MB =0.
Do d6 CD.AB = 65(@” +]\—/[Z§) = CD.AM +CD.MB =0 nén sb do goc gitra hai duong thang 4B va CD

bang 90°.
Cau 28.

Loi giai

Chon C




Vi G, la giao diém cta duong thang AG voéi mat phing (BCD).

Suy ra G, 1a trong tam cta tam giac BCD = G,B+G,C+G,D = 0.
Theo bai ra, ta c6 GA+GB+GC +GD =GA+3GG,+G,B+G,C+G,D=0

0

< GA+3GG, =0 GA=3G,G.

Cau 29.
Loi gidi
Chon A
2 2 _ 2 1— 2 _3
Tacé lim V' =3x +ax _ lim x* —3x—(ax) . x[( a )x }
= bx—l o (bx—l)(\/x2 —3x —ax) o (bx—l)(\/x2 —3x —ax)
3
1—(12 - 1— 2
= lim ( ) X =b< la)za;1=3.
(b_lj(_ _3_aJ (-1-a)
x x
Cau 30
Loi gidi
Chon C
Ta cod

Loi giai
Chon C
Vx+1-1

Khi x>0 tacd: f(x)=———— lién tuc trén khoang (0;+).
X

Khi x<0 tacod: f(x)=+x>+1—m lién tuc trén khoang (—oo;O).

Ham s6 lién tuc trén R khi va chi khi ham s6 lién tuc tai x=0.

Vx+1-1 1 1

Taco: lim f(x)= lim - lim
x—0"

x—0" X "‘_>0+1/X+1+1=§.
lim f(x)= lim(\/x2+1—m)=1—m=f(0).
x—0" x—0"

Do d6 ham s6 lién tuc tai x=0 khivéchikhi%=l—m<:>m=%.
Cau 32.
Loi giai
ChonA.
+1)(2n+1
Tacé:12+22+32+...+n2:n(n )6(n )
(1+1)(2+1j
242743 2 +1)(2n+1 n n
Khi do: lim |L 2 43 tetn® | n(nt)@n41) o r ”
2n(n+7)(6n+5)

n n

Cau 33.

1

12n(n+7)(6n+5) 12(”7}(“5) 6



Loi giai
Chon D

o] B

N
(=)

Dat OA=a suyra OB=0C =a va AB=BC=AC=a\2

a2

2

Goi N latrung diém AC taco MN//AB va MN =

Suy ra goc (OTLTB) = (5]\7,M\N) . Xét OMN

Trong tam gidc OMN c¢6 ON = OM = MN =af
Suy ra OMN =60° . Vay (OM, AB) =(OM ,MN) = 60"
Cau 34.

Loi giai
Chon A

1 1 1 Ifr 1 1 1 1
Taco: u, ———I——+...—|- ===tz ——+..+ -
1.3 35 (2n—1).(2n+1) 2{1 3 3 5 2n—1
[__2n+1] 2n+1
Suyra: limu, =lim " :1.
2n+1 2

Cau 35.

Loi giai
Chon D
Ta c6 tana €(0;1) v6i moi ae(O;%j, do @6
S=l-tanag+tan’a—tan’ a +...= L , cosx  _ cose )

CSN it g——tana I+tana sina+cosa 2sin(a+7[j

PHAN II: TU LUAN
Cau 36.

Loi giai

5
Ta cé lim(5n-3(a” —-2)n’ =limn3(——3 a*-2 j:_w
(sn-3(a"-2)’) ==3(a’-2)

a=-1;0;1.

<:>lim(i2—3(a2—2)j—a —2<0e —2<a<2

ae’, ae -10;10
n )

Cau 37.



Loi giai

. a b . a+ax+ax*-b .. a+ax+ax’—b
Tacd lim | —— ; =lim 3 =lim X
x—l1 l_x l_x x—1 l_x x—l1 (l_x)(1+x+x )
Khi d6 lim (L— b 3j hituhan < 1+a.l+al>~b=0&2a-b=-1.
=l (1-x 1-x
. i a+b=4 a=1 a b
Viy ta co = =>L=-lm | —-— 5
2a—b=-1 b=3 ol \(1-x 1-x
Tix— —(x+2
~Jim— Y X2 =—lim(x—2=1.
¥l (1—x)(1+x+x ) =+ x4+ x

Loi giai
Ta co: limf(x):4+2a+3b

x—2"
X—+x+2 x+1 3

va lim f(x)=lim = lim =
i () =2 xP—4 x_’2+(x+2)(x+ x+2) 16
3
442a+3b=— a_@
Ham s6 lién tuc tai x =2 < limf(x): lim f(x):f(2)<:> 16 = 32
x—>2" x—2" 3
2a+b—-6=— b=-5
16
Vay I=a+b="_5-19
32 32
Cau 39.
Loi giai
A
M
¢ D
N
B

: L IA+IC=2IM
Vi M, N lan lugt 1a trung diém cia AC, BD=<{__ = __.
IB+1ID=2IN
Mt khac IM +IN =0 (I 1a trung diém cua MN) = I4+IB+IC +ID =0.
Khi d6 ﬂ+ﬁ+ﬁé+?ﬁz4ﬁ+(ﬁ+f§+f+ﬁ3):4ﬁ

Ma ﬁ:k(ﬁ+ﬁ+ﬁ‘+ﬁ)) nén suy ra 4k:1<:>k=%.



TOAN 185 NGUYEN LO TRACH LUYEN THI THPT QUOC GIA NAM 2020
A Chuyén dé:

= Ma dé thi
Hovatén :........oocoiniieinicenniennnnn, LOPia e 008

PHAN I: TRAC NGHIEM KHACH QUAN

Cau 1.
Loi giai

Dung tinh chat giéi han: cho day s6 (u,).(v,) va limu, = a, limv, =+ trong d6 a hiru han thi lim2 =0
%

n

a

au 2.

Vi f(a)f(b)>0nén f(a) va f(b) cing duong hodc cung Am. Ma f'(x) lién tuc, ting trén [a;b] nén dd

Loi gidi

thi ham /(x) ndm trén hodc ndm dudi truc hoanh trén [a;5] hay phuong trinh f(x) =0 khéng c6 nghiém

trong khoang (a;b).

Cau 3.
Loi giai
Cau 4
Loi giai
3 2+1
3 STt T
Talcc'):1=1im3n4 2n+1=l nn_n :9=0
4n" +2n+1 4 2 1 4
+=+—
non
Cau 5
Loi gidi
2 2
Tacé:limx 2x+3=1 2.1+3=1.
=l x+1 I1+1
Cau 6.
Loi giai

Cho day s6 (un) vol U :M

.Dé (1 )co giéi han bang 2, gia tri cua a la:
7 ar+5 (") ST £ 8



Loi giai
s 2 2
—+3 il
. 2n+3n’ " (nz . n2+3 .
hm42 5 l=1m 71 =11mn.T.Taco
n +:in+ n2(4++2j 4+f_+_72
n n n n
lim#n =+
2 3
“ ) 2 .
. n2+3 3 >im 2n+3n =limn.
Iim——==->0 dn +2n+1
2 1
4+ —+—
n n
2n+3n° 3’
Giginhanh: ———— -2 _Z, iy
dn° +2n+1 4n 4
Céu 10.
Loi giai.
1irr11(3x2—2x+1)=3.12—2.1+1=2.
Cau 11.
Loi giai

It +1-n* +2 ~fn* =3’ =0——snhan lu’orng lién hop :

«/ n +1 +\/n +13/n’ +2+13/ n +2

11m(\/n +1- \/n +2 =lim

Cau 12.
Loi giai
Chon A
(x2+7z21)\7/1—2x—7r21 (x2+7z21)(\/71—2x—1)
Ta cod lim =1lim +limx=—
x—0 X x—0 X x—0
Ciau 13.

Loi giai
Chn C

Ham s6 lién tyc tai x =—1 khi va chi khi lim y = hm y= (—1)

x—>—1" X——

< lim (4x+a)= lim (x +3x+2)=y(—1) Sa-4=0a=4.

x—>-1" x—=>-1"

Cau 14.

Loi giai

2 1

4+—+—
n n

272_21




Do ABCD la hinh vudng canh ¢ = AC =a+/2 .
= AC* =24’ = SA* + SC* => ASAC vudng tai S.

Tir gia thiét ta c0 MN 1a dudng trung binh cia ADSA = NM = %S—A

Khi 46 NM.SC %571.@ =0 = MN L SC=(MN,SC)=90°.

Cau 15.
Loi giai

Chon C

Vi M, N lan luot 1a trung diém cua 4D, BC suy ra:
MN = (4B +DC) va MN == (BD+ 4C).
2 2
Khi 6, dua vao dap an, ta thiy rang:
" Adiing, vi MN = (45 + DC) = 4B, DC, MN déng phing
[ B diing, vi MN khong ndm trong mit phang (ABC )
1) C sai, twong ty ta thdy AN khong nam trong mat phang (MNC )
D diing, vi MN = (BD + AC) = BD, AC, MN déng phing

Cau 16.
Loi giai

Chon C



Ciach 1. Goi / 1a tim ctia hinh vuéng ABCD = I 1a trung diém cua BD.
Tacé ABIG ~ ADBG =22 - BL _1_ BG _1_ 3p_3%6.
D'G DB 2 BD 3
Cich 2. Theo quy tic hinh hop, ta c6 BA+BC+BB =BD'.
Do G la trong tim cua tam giac AB'C suy ra BA+BC + BB =3BG < BD' =3BG.
Cau 17.

Loi giai
Chon A
Trén khoang (0;+o0) ham s6 f (x)= 23/x —m 1a ham sb lién tuc.
Trén khoang (—00;0) ham s f(x) = mx +2 1a ham s lién tuc.

Taco lim /(x)= lim (2vix —m)=-m = 1(0) va lim f(x)= lim (mx+2)=2.

Ham s0 f'(x) lién tuc trén R khi va chi khi
}Lrgf(x):lirgf(x):f(O)<:>—m=2<:>m=—2.

Cau 18.
Loi giai
Chon C
N~ — X Hx)-x
Taco lim M = lim ( ) = lim ; +00

x—0* X x0* xz( /x2+x+\/;) x0* /x2+x+\/;_
vil>0; lim(\/x2+x+\/;):0 va VX2 +x++x >0 véi moi x> 0.
x—0"

Cau 19.

Lo gidi
Chon D

2 — —
fim 2342 D=2 gy
x—1 X — x—1 x—1 x—1

D¢ ham so f(x) lién tyc tai diém x =1 can: lim f(x) = f(1)

om’+m-1=-1

, m=0 (TM)

om+m=0& .
m=-1 (L)

Céu 20.
Loi giai
Chon C



2

2 2 _ —4+—
lim (\/x2—4x+2—x)—11 XY oAHIY i dx+2 lim —— X __
X—>+0 X—>+0 /x —4X+2+x X—>+00 [x —4X+2+x X—>+0 1_ﬂ+£+1
x X
Cau 21.
Loi giai
Chon A
Taco x+3>0 voimoi x >—3, nén:
i x> +13x+30 i (x+3)(x+10) i \/x+3(x+10) V=343 (3+7)
im =
3 (x+3) x? +5 = ,/ x+3 x +5 S N ,/ +5
Cau 22.
Loi giai
Chon B
A
B D
C

Vi G 1a trong tdm cua tir dién ABCD suy ra GA+ GB+GC +GD =0.

Khi d6 OG = 540G = (0d+ 4G+ 0B + BG+0C + CG + 0D+ DG)

—_— ——

1(OA+OB+0C+OD) SN A0+0G=A0+l(@+@+o_c’+00).

4 4

:A0+l(4@+E+AC+AD)=A0+@+1(E+A—C+AD)=1(E+AC+AD).
4 4 4

Vay E:%(E+A_C"+E) nén ménh dé AGz%(ﬂS’+Z,’+E) sai.

Cau 23.
Huéng din giai
Chon A.
.o NXx+3-2 . x+3-4 . 1 1
Ta co: lim =lim =lim =

x—l x—1 x—l (x_l)(\/m_i_z) x>l [x+3+2_z

Cau 24.
Loi gidi
Chon D
I 3
Tacd lim > = lim =—=0.
x—>-0 x° 4 X—>—00 1 2 1
t 3
X
Cau 25
Loi gidi



C

IF [/ CD

Ta cod IF 1a duong trung binh cia AACD = 1 .
IF = E CD

JE [|CD

Lai c6 JE la duong trung binh cuia ABCD = 1 .
JE = 5 CD

IF =JE ,
{ = Tu giac IJEF' 1a hinh binh hanh.

-
IF || JE

=248
Mt khéc: 2 MaAB=CD—=1J=JE.

JE:lCD
2

Do d6 IJEF 14 hinh thoi. Suy ra (IE,JF ) =90°.

Cau 26.
Loi gidi
Chon D

C

GA+GB=2GM
GC+GD=2GN
Ma G 1a trung diém cia MN = GM +GN =0 < GA+GB+GC +GD = 0.
Khi d6 W+W+MC+MD=4MG+(@+@+R‘+@):4m.

Cau 27.

Vi M, N lan luot 13 trung diém cia 4B, CD suy ra {

Loi gidi



Chon B

Vi M 1a trung diém cia BB' = BM :%B—B'

Taco AM = AB+BM =~ B+ BB =-Ci+ CB+BF =-a+h+<.
Cau 28.
Loi gidi
Chon A
2
Taco lim f(x)= f(4)=4m+1; lim f(x)= lim X 16 _ lim (x+4)=8.

x—4~ x—4" =4 x—4 x—4*

Ham s6 lién tuc tai diém x=4 < lim f(x)=lim f(x)= f(4) ©4m+1=8 = m -
x4~ x—>4" 4

Cau 29.
Loi giai
Chon D
Ta cod
1 1

S=1+cos’x+cos* x+cos® x+---+cos® x+---= = .
2 2
l-cos“x sin“x

CSN Ivh: =1, g=cos® x
Cau 30.
Loi giai
Chon B

o

Gia sttt dién déu ABCD c¢6 I 1a trung diém ctia CD, H 1a tAm cua tam giac BCD suyra AH L (BCD) .

) CD 1 BH
Khi d6 ta co: =CD 1 A4B.
CD 1 AH

Vay goc gitta CD va AB 1a 90°.
Cau 31.

Chu 32.
Loi giai

Chon C



2

Do linqu(x) — lim 2 -1 lim(x+1)=2 nén ham s lién tuc tai x =1 khi

x>l x — 1 x—l

lim /' (x)=/ (1) m—2=2 < m=4.Khi d6 ham so lién tyc trén R.

Cau 33.
Cau 34.
Loi giai
Chon A
Gia su limu, = a thi ta co
. .1 1 a#2 a#2
a=limu,, =lim = <9, Sa=1.
2-u, 2-a a(2—a)=1 a —2a+1=0
Cau 35.
Loi giai
Chon B
2 +1)x* +(a+b+3)x+b+1
i (X3 )y g [ (GEDE (b rbrl]
X400 x+1 X—>+00 x+1
(a+l)x+(a+b+3)+M
< lim X 1=1
X—>+00 1
I+—
X
a+1=0
a=-1
= a+b+3=1<:>{b =>T=a+b=-2.
b+1#0 B
PHAN II: TU LUAN
Cau 36.
Loi giai
4 1
2_ — 2
limC;n—zlzlim3—”:a .
+n -
Ta c6 5l :>1im\/3+“” 11 _5ra
n 3+n g
limizlim(lj =0
2" 2
ae 020 ,ac
Tacod —)ae{l;6;13}.
a+3eZ
37.
Loi giai

TacoTacod lim (\/sz +2x + x\/g) = lim 2x
T =\ 5x? 4+ 2x + x5

1

= lim = -2 =_L:_l\/§__> TS s=-1.

xe—oo_ 5+g+\/§ —2\/3 \/g 5 h=0
X




X —>—0——> 5x2+2x+x\/§~\/5x2 +x\/_:—\/§x+x\/§=0

Giai nhanh: x — —0—>+/5x% +2x + x5

B 2x B 2x _ 2x :_L
52 +2x + x5 5x% — x5 —2/5x J5
Ciu 38.
Loi giai
f(0)=3
: o NAx+1-1 (4x+1)-1
Iim f(x)=1lim = lim
i/ (%) Ve’ +(2a+1)x 0 x[ax+(2a+1)](Vax+1+1)
) 4 4
=lim =

=0 [ax + (Za + I)J(W + 1) 2(2a + 1)

Ham so lién tyc tai x =0 khi /(0)=1lim f(x) @ﬁ=3@a=—é.
Céu 39.
Loi giai.

Ta thiy rang IJ, AP, A'B' nam trong 3 mit phing song song v&i nhau nén.

IB’ _ JA' iy

OB PA

T =T8+BA -7 |
= k(OB ~PA )+ BA = kQP—(k~1) 4B’
=kQP+(k-1)AB

Ma §ﬁ=Zﬁ—A_Q=§ZE—%A_5.Nén1.7=(§k—1jzj§—%k14_ﬁ.

Ma AC = AB+ AD . Vay nén 1J//AC . Néugk—l = —%k

=1

_12
29°
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Cau 1.
Loi giai
n —2n n3(1—22j 1_3
1-3n o1 1,
P :
limn = +o0
1 2 n’ —2n
21 ——im -
lim =——<0 1-3n
T, 3
n2
3 3
-2
Gidi nhanh : = ?., k —=——n———®
1-3n" -3n 3
Cau 2.
Cau 3
Loi giai
2
lim‘x2—4‘=‘(\/§) —4‘:1
x—>/3
Cau 4
Loi giai

Pap an D dung vi n6 13 mot dinh 1y trong SGK Pai sé va Giai tich 16p 11.

Cau 5.
Loi giai
1+1+ >
2 Sty
Ta cod L=limn +2n+5=lim n 1” =l >
2n” +1 24— 2
n
2 2
Giai nhanh: " +2n+5~ n2 =l
2n° +1 2n 2
Cau 6.
Loi giai
Cau 7

Loi giai

LUYEN THI THPT QUOC GIA NAM 2020
Chuyén dé:

Ma dé thi
009



Cho duong thang A thi qua O c6 duy nhit mot mat phing (P) vudng goc voi A, nén qua O c6 vo s6 dudong
thang thudc (P) vuong goc voi A .
Cau 8.

Loi giai

Loi giai

lim |x* —4| =34 =1

x—>+/3

Cau 10.
Loi giai

Taco lim— > =lim—2"_=%_¢,
4n* -2n+1 4_g+i 4
2
non

Giai nhanh : Dang « bac tor » < « bac mau » nén két qua bang 0.

Cau 11.
Loi giai
Chen A
o R (" =1 x—1)(V2018x+ T +/x+2018)
Ta co: lim =lim
=1 42018x+1-+/x+2018 ! 2017x-2017
x=1) (x5 + x4+ x+1+1)(~/2018x +1 ++/x+2018
:lim( ) )( ) =2+/2019
x>l 2017(x-1)
Dé ham sb lién tuc tai x=1 < lirrllf(x)zf(l) < k=2+2019.
Cau 12.
Loi giai

Pat f(x)=x+1Lg(x)=x—-1.Taco limf(x)=2:limg(x)=0:g(x)>0khix—1

x—1*

Loi giai



Dua vao dap 4n, ta thdy rang:

— e L — e — 1 —— ——
"I Asai,vi BM =B B+BM =BB +E(BA+BD):BBI +5(B,A, +BD,).

BC.,.

= B—Bl+%(B1AI +B,4,+B,C,)= BB+ B A +

1
2

" Bding, vi CM =C,C+CM = clc+%(@+c_b) = C1C+%(C1A1 +CD;).

= CIC+%(CIBI +CD+CD,)=CC+CD, +%CIBI.

1 1
1 Csai,vi CM = C1C+§C1D1 +ECIB1 (ttr dap an B).

_ s s s

1 D sai, vi BB, + B4 +BC,=BA +BC = BA+AD BD

Cau 14.
Loi gidi
Chon B

Vi M 1a trung diém cta BC suy ra BM :%R?
b-é=—(a+b-2¢).

=1AB+1AC AD = l
2 2 2 2

l\.)lr—‘

Cau 15.

Loi giai
Chon A



Goi M, N lan luot 1a trung diém cua AB, CD.
Vi I 1a trung diém ctia MN suy ra OM +ON =20I.

, OA+0B=20M  — 1 /— —— — ——
Kéthopvéi 4. _~:>201:—(0A+OB+OC+OD).
OC+0D =20N 2
=1(_lm_lc7_lﬁ_lﬁj=_l(a+a+m;).
20 2 2 2 2 4
Cau 16.
Loi giai
Chon B
A

Xét tam gidc ICD ¢6 J 1a trung diém doan CD = 1J = %(ITI + E)
Tam gidc ABC c6 AB=AC va BAC=60" = AABC déu = CI L 4B.
Tuong tu, ta c6 AABD déunén DI L AB.

Ta o6 1.8 = (IC + ID).AB = IC.AB +~.1D.AB =0

= 1J 1 AB = (4B,1J)=90°.

Cau 17.
Loi giai
Chon D



I P
A D

[ //,

I Ll

| 1 1

1 ’ /

I Ran

| Vs /

I Pad 4

| V4 /

I ’ !

I 7 /

4 /

1 Vs

I 4 /

: 7 /

’ /

I // /

1, /

T

2 B IG c
P Spp—— S A
W ===

A" D
o

Tacd MN song song AC (Pudng trung binh)

(MN, AP)=(AC, AP)

Gia sir hinh 1ap phuong ABCD.A'B'C'D’ ¢6 @6 dai cac canh bang 1
Xét tam gidc APC co:

2 2
PC= 12+Gj =§; AC =1 +1> =42; AP=\/12+[12+(%) ]:%

2+2—é

Theo dinh y ham cos trong tam giac APC ta co: cosPAC=—2 4 _ L — PAC =45°.
n3 2
242. 5

Cau 18.

Loi giai

Ta co limx* (sin ﬂx—ij = lim(x2 sin ﬂx—l) =—1.

x—0 2 x—0

X
Cau 19.
Loigiai
3
T3 |x|[1-= —1-=
Ta cd: lim = lim 3x = lim 3x =—1
X——0 x+3 X—>—00 x(1+7) X—>—0 (1+7)
X X
Cau 20
Loi gidi



B C
BC.CA=BC.CA.cos120° = 2.2.(-%} =-2.
(R’—R‘).ﬂ =(E‘+@).ﬂ = AB* =4 nén B sai.
(4B+BC).AC = ACAC = AC* =4

(E./Tc) BC =(AB.AC.cos60").BC = 2BC .

Do do ta chon dap an
A.
Cau 21.

Loi giai
Chon C
Taco: [ = lim[n(\/n2 +2 —\/n2 -1

)}—lim 3n -
\/n2 +2+\/n2 -1

2 1 2
I+ +,/1-—
\/ n’ \/ n’

Loi giai

lim f (x) = lim (x* —2x+3)=6

x—3" x—3"

Ta co . Do lim f(x) # lim f(x) nén khong ton tai giéi han khi x — 3.
lim f(x)=lim (3-2x")=-15 3 =
x—3" x—37
Vay chi c6 khang dinh C sai.
Céu 23.
Loi giai
Chon D
D C
4= B
Hp - -] BYe
E F

Vi I, K 1an luot 13 trung diém cua AF va CF.
Suy ra IK la duong trung binh cua tam giac AFC = IK // AC = IK // (ABCD).
Ma GF //(ABCD) va BD < (ABCD) suy raba vecto BD, IK, GF dong phing.

Ciu 24.
L& giai



Chon D

2 _
Taco lim £(x) = lim =2~ i 2072 o

x—o2" -2 x=2 =2t x=2 x—2"

lirgf(x): lim (mx—4)=2m—-4

x—27

Ham s6 lién tuc tai x=2 khi lim f(x)=lim f(x) < 2m-4=2<m=3.

x—2" x—>27

Cau 25.
Loi giai
Chon C.
Ham s & cau C va D khong xac dinh tai diém x =1 nén khéng lién tuc tai diém x=1.
Xét cau A:
lim f(x) zlim(3x—l) =2, lij{}f(x =lim(x+1) =2, f(1)=2
1)

x—1" -1 x—1*

Suy ra linl]f(x) =1i1§11f(x) =f( =2

Vay ham s lién tuc tai diém x=1.

X¢ét cau B:

limf(x) =lir{}(3x+1) =4, lir{}f(x) :lim(x+l) =2

x> x—l1t
Suy ra limf(x) # limf(x)

x—1 x—1"
Vay ham sb khong lién tyc tai diém x=1.
Cau 26.

Huéng din giai

Chon A
Ta c6 ham s6 lién tuc trén cac khoang (—o0;—1) va (—1;+).
Xét tinh lién tuc ctia ham s6 tai x=—1.

Co y(—1)=—2: lim y va lim y=-1+m.

x—>—1" x—>—1"

Pé ham sd lién tuc trén R thi y(—1)= limy=Ilmy<2=-1+mem=-1.

x—-1" x——1"
Cau 27.
Loi gidi
Chon C
2 1 4 ! + !
2 _ - - e _
Ta c6 lim X2 =X iy r X - */Z=_2,
X——0 X+ 1 X—>—0 144 1
x
2 2
Giai nhanh: khi x > —© Jax —x+1 ~ Vax _ T2 _ .
x+1 X X
Cau 28.
Li giai
Chon A
Vel (x—l)(3(4x+4)2+2\3/4x+4+4)
Ta cod lim =lim

ol Jdx+4-2 (4x+4—8)(%/x7+%/§+1)



(,3/(4x+4)2 +23/4x+4 +4) .
=lim < _
! 4(\3/x2 +%/;+1) 12

Cau 29.

Loi giai
Chon C
Tacd 0,5111---=0,5+107 +107 +---+107" +--
Diy s6 107;107;...;107";...1a mot cip sd nhan Iui vo han c6 s6 hang dau bang u, =107, cong bdi bang

u, 107 1

g=10"nén S=—-= —=—.
1—g 1-10" 90
=23
Vay 0,5111..20,5+5 =202 9% 0 iib-68
90 45 b= 45
Ciu 30.
Loi gidi
Chgn C

. (2-a)x-3 . ( 3)[ 1 J
Tacd Im —————=1lim ((2—a)x-3 (\/x2+1+x)= lim x*| 2—a—= 1+—+1].
X—>+00 /x2+1_x x~)+oo(( ) ) X400 X X2

lim x* = 4o
o (2—a)x—3_

Vi = lim —~——=+w
lim( /1+L2+1j:4>0 oo xt 4+l —x
X—>+0 X

P lim[2—a—§]:2—a>0:a<2.

2x-3
:((z_a)x_3)(\/ﬁ+x)~(2—a)x_(\/x7+x):2(2—a)x—>+oo<:>a<2.

Khidé P=a*~2a+4=(a-1)+323, P=3ca=1<2= P, =3.

Giai nhanh : ta c6 x = +o©

min

Cau 31.
Loi gidi
Chon B
p 1
2 _ T
Tt Y T
+n 3 1 . an*-1 1
Ta co Tt = lim,[3+ ———=3+a.
n 3+n° 2"
limLZIim(lj =
2" 2

ae(0;20),aeZ
Ta co ——ae{l;613].

vJa+3eZ

Cau 32.

Huwéng din giai
Chon D
Ta co:



f(O)= limf(x = lim(3x+a—1):a—1.

x—>0" x—0"

= lim ———— = lim —————— = lim ———=1.

1
xirgif( ) x—>0" X x—>0" ( /1+2x+1) =0 1+ 2x +1

Ham s6 lién tuc tai x=0<:>f(0)=lir(1);f( x)=lim f(x) @ a-1=1<a=2.

x—=0"

Cau 33.
Loi giai
Chon B

n n+l n
Gidi nhanh: 4{/4 t2 ~4\/ Tl L ysi04=2" a0
34\ T2 T 1024

Ma ae(O;ZOlS) va a € Z nén ae{10;2017}—>cé 2008 gia tri a.

n n+l
Cu thé : lim i =i Z\/I: 12 1
n +4n+a 4[1 (Za) 2a
Cau 34.
Loi giai
Chon A
Vi \/E, (\/5)2, ,(\/E)n 1ap thanh cép s6 nhan co u, =\/§:q nén
1_(\/5)” n a:2—\/§>0
u, —2.————=(2-\2 [ 2 —1}—>limun =+o0 Vi .
2 (o)) e
Cau 35
Loi giai
Chon A
(MNPQ)//AB
5 = MQI//AB.
(MNPQ) N (ABC) =MQ

Tuong tu ta c6 MN//CD, NP//AB, QP//CD .



Do do tir gidc MNPQ 1a hinh binh hanh

Ta c6 (A4B;CD) =(OM; MP)=60". Suy ra S,y = OM.ON sin 60"

M _MO_1_ yo-2.

Taco ACMQ -~ ACBA =
CB AB 3

AMON ~adcp= AL N _2 _ oy s
AC CD 3

Vay Sypp = OM.ON.sin 60" = 2.2.? =2./3.

PHAN II: TU LUAN

Cau 36.
Loi giai
Giai nhanh :
" n+ " a=
(V5) =21 9h3 (V5) 2w 5
—t— ~ —t+—F=—F=1t2=—+2—>1b=5.
1
Vay §=1°+5"+2% =30.
&Y o 12(2)’{1]"
. 5) -2 41 2 -
Cu thé : lim ( )(f)‘ 2 +13 ~ lim *E J5
52 4(+35) -3 o 2] (1
5= +V5-| —=
(&5
=L+2=£+2
J5 5
Cau 37.
Loi giai

Ta ¢6 lim (\/x2 +x—3/x3 —x2)= lim (\/x2 FX—x+x-x’ —xz)
X—>+00

X—>+0

Rl
-

l\)lr—‘
wl»—‘

= lim
Ay +1+x x4 x3x° —1+,3/ x —1
Giai nhanh: \/xz+x—3/x3—x2 :(\/x2+x—x)+(x—\3/x3—x2)
2

2

x x x
= + ~ +
Vak +1+x xz+xx3/x3—1+,3l(x3—1)2 S +x 2 exdfe +4x0

== (x> +x).

+

oxlm

N | —
=] w|-

38.

@)
&>
=

Loi giai

Taco: f(0)=m+1.



x—0*

lim f (x)= lim(m+1_—xj:m+l.
x—0"

lim f(x) = lim 22XV =
x—=0" x—0" X

X -2
=lim ———
0 (\/1—x+ 1+x)x =0 l-x +

V1+x T

f(x) lién tyc tai x=0 c>}Lrg;f(x)=}Lr(r);f(x)=f(0)<:>m+l=—l<:>m=—2.
Cau 39.

Loi giai
A
M
B D
N
c
bat MN =x. Goi [ 1a trung diém cua AC
1 a
SNI//AB,NIZ—ABZE;
1 a
MI/ICD,NI =—CD =—.
2 2
— IM = IN = MNI < 90"
:(MN,AB):(MN,NJ):A?}VJ:AZVJ:30°
a +x? a’
2 2 2 I i
Cc’)cosMNI:N] +NM” - MI <:>cos30°:u<:>£:£<:> &
2MN.NI S d 2 a
%

1.
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PHAN I: TRAC NGHIEM KHACH QUAN
Cau 1.

Cau 2.

Trong khong gian c6 vo sé dudng thing qua O va vudng gbc véi A.

Loi gidi

Cau 3.
Loi giai
- —1-1
Taco lim 4| ! = | | 2
=l x"+x-3 1-1-3 3
Cau 4
Loi giai
B' e C'
1
1
Al ! D
1
1
1
1
:
A S C
ALY 5
Tacéd: A'D//B'C, B'C LBC' = A'D 1 BC'

Cau 5.

Ménh dé 1 va 3 1a dung.
Ménh dé 2 sai. Vi du ham sd y= |x| lién tyc tai x, =0 nhung khong c6 dao ham tai x, =0.

Cau 6.

A sai vi limg" =0 khi |¢|<1.

Cau 7.

lim u, = lim (_?2} 0 (Vi

Loi giai

Loi giai:

Loi giai:

_—2‘:g<1).
31 3



Cau 8.

Loi gidi
Chon B
Theo dinh nghia gi6i han hitu han ctia diy sé (SGK DS11-Chuong 4) thi lim¢" = 0 (\q\ < 1) .

Cau 9.
Loi giai
Chon D
. 3P —4-3x-2 N2-4-J6-2 0
Ta co: lim = =—=0.
X2 x+1 3 3
Céau 10.
Lo gidi
Chon A
1
Ta c6: lim =lim—2-=0
2n+7 2+Z
n
Cau 11.
Loi giai
Chon C
Jx Jx -1 1 1

Taco lxlgllf(x) =lim

x-1 . _
Sl T (o) (V) el 2

D¢ ham s0 lién tye tai x, =1 khi lim f(x)= /(1) & a = % :
Chu 12.

Loi giai
Chon D

Tacé BC=AC—-AB<>d=¢—b<b—-¢+d=0.

Cau 13.
Loi giai
Chon A
L. \/x2+x—2\/§ ) X +x—12
Ta cod lim =1lim

T x03 3 (x_g)(\/EMﬁ)



(x=3)(x+4) . x+4 _ 3+4 7

7\@‘

=lim

lim

Cau 14.

Loi giai
Chon D

Goi M 1a trung diém ciia CD suy ra BG = %W

3 (x—3)(\/x2+x+2\/§) S ix12y3 P 134243 4B T2

Taco AG = AB+BG= 4B+ BM = AB+>.2 (BC+ BD) = 45 +(BC-+ BD).

— 4B+ (AC~ 4B+ AD - 4B) = (4B+ AC+ AD) = (a+b+c).

Cau 15.

Loi giai
Chon C

(] A
L \/xz—x—\/4x2+l |[\/ J ( J
Ta co: lim
X—>—0 2x + 3 xa—oo ( j x—)—oo
2+

X
Cau 16

Loi giai
Chon A

Goi M 1a trung diém cua DC .
Do ABCD 1la tir dién déu nén ta co:

DC L AM I
= DC 1 (AMB)= DC L AB=> AB.CD =0.
DC 1 BM
Cau 17.

Loi giai
Chon D



Dua vao dap 4n, ta thdy rang:
1 A dang, vi IK, AC cung thudc mit phing (B'AC).
1 B ddng, vi TE=Y?+T=%ZE=%A’CC

) Csai,vi IK=1B'"+B'K
Chu 18.

Loi gii
Chon A

4" _3"
J16™ +4" 416" +3"

(3]
4" -3 4 1 1

=lim —.

V16.16" +4" +/16.16" +3" N v 414 8
16+ 2 +,/16+ ’

Cau 19.

Tacé T = lim(\/l6”“ +4" 16" +3) = lim

Loi giai

Chon B

2 _ 4-a=0 =4
fim | 2 b0 e tim [ (4ma)r-b-11+2 0 )T 70 o)
X—>+0 x+2 X—>+0 x+2 —11-6=0 b=-11
=a+b=-7.
Cau 20.

Huéng din giai
Chon
B.
2 +1)(x+3

Tacs: lim f(x) = fim St (VO3 e gy o,

x%(—l)Jr )c—)(—l)Jr x+1 x—)(—1)+ x+1 x~>(—l)4r
lim f(x)= lim (mx+2):—m+2.
x—=>(-1) x—>(-1)
f(—l):—m+2.

Dé ham s6 da cho lién tuc tai diém x=-1 thi lim f(x)= lim f(x)=f(-1)<2=-m+2 <m=0.

+

x~>(—l) x~>(—1)

Cau 21.

Loi gidi
Chon D



B3x+2-2 h

1x>2
Hamsé f(x)={ *72 lién tuc tai x =2 khi lim £ (x) = lim £ (x)=f(2).
x—2" x—2"
a’x+— khi x <2
4
7
2)=2a’-+
f(2)=2a"~
3 —
Taco {lim f(x)=lim 222721 oy ymtisg, =1
x—2" x—2* x—2 4
lim /(x)=lim azx+l —2a* -1
x—2" x—27 4 4
Cau 22.
S
4 C
M
B
Loi gidi.
Chon A
(SAB) L (ABC)
Vi (SAC) L (ABC) = SA L (ABC)

(SAB) N (SAC) =SA
Goi M 1a trung diém ciia BC. Khi @6 taco AM L BC (vi tam giac ABC déu)
Ma SA L BC = BC L (SAM)= BC L SM

_(sBC)n(4BC) = BC
Co

AM L BC.SM 1 pe |~ SMA 1 gbe gitra hai it phing (SBC) va (ABC)

Co AM:a 3 étanSfMT‘lzﬁzl
2 AM :
= SMA = 45"
Céu 23.
Loi giai
Chon B
Ta c6: lim f(x)=lim 16 lim (x+4)=8
T4t x4t x—4 x—4* )
Va: lim f(x) = lim (mx+1) = 4m+1= /(4).
Ham s6 f(x) lién tuc tai diém x =4 néu lit?+ f(x) = lir? f(x) = f(4)
:>4m+1:8<:>m=%.
Cau 24.
Loi gidi

Chon C



Ta co limf(x):hm2_— "x+3:1im 4—x-3 —1im -1 i
oI | Hr(x_l)(xﬂ)(% /x+3) Hr(xﬂ)( +\/m)

Cau 25.

A’ C'

Loi giai
Chon B
Tac6B'C=B'B+BC
=—BB'+BA+AC=-BB'— AB+ AC
_hoa+e
= B'C=-d—b+chay BC=-d-b+¢.
Cau 26.

Loi giai
Chon A

Taco SC.AB = SE.(S‘B’—EAT) = SC.SB—SC.SA
_[5C[5B].cos(SC5B) - [5€] 5] cos(5€54)
= SC.SB.cos BSC — SC.SA.cos ASC.

Ma SA=SB=SC va BSC = ASC = SC.AB =0
Do do (E‘,ﬁ) =90°.

Cau 27.
Loi giai
Chon B



. [10-24 2x-10 2 1
lim = > = lim —=—=—
-5t xT —6x+5 5 xT—6x+5 -5t x—-1 2
Cau 28
Loi giai
Chon C
im Y222 iy x—2 Clim— =1
x—2 x—2 x—>2(x_2)( ,X+2+2) x—2 /x+2+2 4
Cau 29
Loi giai
Chon C
1+ 1+1
N —
Tacé lim 2N iy L =1+‘ﬁ=2ﬁsmE
n—-n-2 \/1_1_2 1 4
n n
{a 2\/_—>S:8—>
30.
Loi giai
Chon C.
A
B D
M
C

Goi N la trung diém ciia AC va a 1a do dai canh tu dién déu.

Taco MN// AB = (AB,DM )=(MN,DM)=DMN .

2 2 2
Tam gidc DMN c6 DM = DN_i MN =L 4B =% va cos Dy = DM MN" = DNT.
2 2 2.DM .MN
2 2
a\/g a 2 a\/g
- + N — -
p— 2 2 2 3
< cos DMN = =—
p a3 a
22
Vay cos(A4B,DM ) :g.
Cau 31.
Loi giai

Chon C



[ 2 -1 n [ 2 -1 n
Ta co lim nt2n ( ) — lim X! *2n lim( ) . Tacod
n—1 3" 3n— 3"
> I+—
lm\/n +2n:li n:1
3n-1 3_1 3 n+2n (1)) 1
n = lim =—.
3n—1 3" 3
_1 n n _ n
O£(3n) S[ j —>0:>11m( ) =0
Cau 32
Loi giai
Chon D
Tacod
1 1 1
0,17232323...=0,17+23(—4+—6+—8---j
10 10" 10
b
_ 17 4 3.10000 _ 17 N 23 :1706: 853 .
100 I—L 100 100.99 9900 4950
100
a=2853 12 13
— =2°<T=4097<2".
b =4950
Cau 33.
Hudéng dan giai
Chon
D.
Tap xdc dinh D=R, f(I)=1-m.
Ta thiy ham s6 f (x) lién tuc trén cac khodng (—o0;1) va (1;+ ).
limf(x)=limx—_1=l, limf(x)zlim(m.e"’l+1—2mx2):1—m.
x—1* " Inx x> x>0
Ham s f(x) lién tuc trén R khi va chi khi ham s6 f(x) lién tuc tai x=1 < lim f(x)=1lim f(x)=f(1).
x—1* x—>1"
Sl-m=1<m=0.
Cau 34.
Loi giai
Chon A
1 2017
x| —a,|l+—+ _ 12017
o aP142017 ( V' x ] Tt
Ta co: lim = lim = lim =—a
xX——0 x+2018 x——0 2018 x—>—0 2018
x| 1+ 1+
X X
Nén —a=l ©a=—l.
2 2

(\/x2 +bx+1 —x)(\/x2 +bx+1 +x)
Ta c6: lim (\/x2 +hx+1 —x) = lim

X—>+00 X—>+00 \/)CZ +bx+1 +x



Cau 35
Loi giai
Chon C
. (limu, =a  [limu,,, =lim(4v, -2) (a=4b-2 |73
Gia st < ,taco § ) = = .
limv, =b limv,,, =lim(u, +1) b=a+1 b:l
3
I 2 1
Vay lim (u, +2v,)=a+2b =—§+2.§=O.
PHAN II: TU LUAN
Cau 36.
Loi giai
Ta co:
2017 2017
o 42018 1_2018 1_2018
. n(n—2018) ) n . n
+) lim o = lm oy = M ————re =
(n—2017) nzmg(l_zonj (1_2017j
n n

+) limn(\/n2+2020—\/4n2+2017):hm__’1(\/1+2030 ‘\/4+2017)=1

n n n

11 1
t)Tacd: A=—+—+... ,
e A S T i) (20 03
L2
35 7 (2n+1)(2n+3)

:>2A=1—l+l—l+l—l+...+ L1 :
335 57 2n+1 2n+3

1 _2n+2 4 n+1

= 2A:i+
1.3

A1 _ 4= ,
2n+3 2n+3 2n+3
1+1
Nén lim| 4=+ —— 4.+ : =lim = = lim—2 =
13 35 (2n+1)(2n+3) w3 3
n
=208 , 2019 2021 2025
+) Day 1 co u, =2018;u, = 5 Uy = 2 ;u4:T;

u,., :E(M" +1),n>1

Us =

2033
16

geee



2" 42017

Dy doan u, = = voi neN’
D@ dang chimg minh dy doan trén bang phwong phéap quy nap.
n—1 n-1
Tir d6 limu, zlimﬂzlim 1+2017( L] |=1.
2" 2
Cau 37.

Léi giai

2 2
Ta co: lim(m+x):5 <:>lim[x +ax+5—-x j=5 <:>1im[ ax+5 ]=5

T o\ X ax+5—x oo\ ¥ +ax+5—x

ol a
< lim X =5 —=5<a=-10.
X—>—0 \/ a 5 —2
[+ =+ -1
X X
Vi vay gid tri ciia @ 1a mot nghiém ciia phuong trinh x> +9x-10=0.
Cau 38.
Loi giai
/(0)=3
N - 4x+1)—1
lim £ (x) = lim—Y2 = g ()
0 0 ax” +(2a +1)x Hox[ax+(2a+1)](m+l)
. 4 4
= lim =

¥0 [ax +(2a +1)](m+l) 2(2a+1)

Ham s6 lién tuc tai x =0 khi f(O)z&lng(x) @ﬁ:3©a:—é.
Céu 39.
Loi giai

Cich 1: Trong (ABCD), goi O=AC N BD, tacd: SO L (ABCD).
= OM = MC:%a; SM =~/SC* - MC* =§a.

Tacé OM || BC :(%,@):ﬂl\a



Ta c6 ASOM vudng tai O nén COS(S/M\O) = oM = ﬁ
SM 3
2
Vay MS.CB = MS.CB.cos(MS,CB) = %a? = "7

Cach 2: Trong (4BCD), goi O = AC N BD, tacé: SO L (ABCD).
MS.CB = (m—@)@ = MO.CB-SO.CB = MO.CB (do SO L CB) = MO.CB.cos (]\TO,@)

2
a a
=—.a.cos0’ =—
2
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