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CHUONG ]/ MENH BE - TAP HOP

BAI1.  MENH DE- MENH DE CHUA BIEN

#
-

@ TOM TAT LY THUYET

0 MENH

(# Ménh dé 1a mét cau khing dinh Ping hoéc Sai.

m

(¢ Mot ménh dé khong thé viza ding hoéc vita sai.

€ MENH DE PHU DINH

(¢ Cho ménh Eé P. Ménh dé “Khéng phai P ” goi 1a ménh dé phu dinh caa P.
@ KyhigulaP. B
(¢ Néu P dung thi P sai, néu P sai thi P dung.

€) MENH BE KEO THEO

Cho hai ménh dé P va Q.

(Z Ménh dé "néu P thi Q" goi 1a ménh dé kéo theo. Ky hiéu 1a P = Q.
(¢ Ménh dé P = @ chi sai khi P ding @ sai.

(# Ménh dé Q = P goi la ménh dé dao ctia @ = P.

<€) MENH bE TUONG PUONG

Cho hai ménh dé P va Q. .
(¢ Ménh de "P néu va chi néu Q" goi 1a ménh deé tuong duong. Ky hiéu la P « Q.
(¢ Ménh dé P & @ dung khi ca P = Q va @ = P cung dung.

Chu y: "Tuong dudng” con dudc goi bang cac thuat ngit khac nhu "diéu kién can va
du", "khi va chi khi", "néu va chi néu".

€©) MENH BE CHUA BIEN

Ménh dé chita bién 13 mét cdu khéng dinh chita bién nhén gi4 tri trong mét tap X nao
d6 ma v6i moéi gid tri ctia bién thude X ta dudc mot ménh de.
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@ cickiHituv,s.

(¢' Ki hiéu V: doc 1a v6i moi.

(¢ Ki hiéu 3: doc 14 ton tai.

(¢ Phu dinh ctia ménh dé "Vx € X,P(x)" 1a ménh dé "3x € X ,P(x)".
(¢ Phu dinh ca ménh dé "3x € X,P(x)" 12 ménh dé "Vx € X,P(x)".

€) CACDANG TOAN

(3 Dang 1. Nhén biét ménh dé, ménh dé chira bién

Phuong phdp: Mot cu ma chdc chin la dung hay chdc chdn la sai thi dé la mét ménh
de.

u Cau cam thn, cau héi khong phdi la ménh dé. %

Vi du 1. Trong cac ciu sau, ciu nao 12 ménh dé?
@) 7+5=3.
@2 T+x>0.
3 v2>1.
(@) 15 khong chia hét cho 3.

3 . & N A
®) 2 c6 phai s6 nguyén khong?
® Oi! Xinh qua!.
(7) BangKok la thu d6 Campuchia.

Lai giai:

[ Dang 2. Xét tinh ding - sai cta ménh dé

Phuong phdp: Mot cGu khing dinh ding la ménh dé ding, moét cGu khang dinh sai la
ménh dé sai.

Vidu 1. Trong cac ménh dé sau, ménh dé nao 1a ménh dé ding, ménh dé nao sai?
(1) Tong cta hai s6 tu nhién 1a mét s6 chan khi va chi khi ca hai s6 déu 1a s6 chan.
(2) Tich cta hai s6 tu nhién 14 mot s6 18 khi va chi khi ca hai s6 déu 1a s6 18.

(3) Néu mot tam gidc c6 mot géc bang 60° thi tam giac dé déu.

(@) Néu a chia hét cho 9 thi a chia hét cho 3.

(5) Tong ctia d6 dai hai canh mot tam giac 16n hon do dai canh thi ba.
(6 15 la sb6 nguyeén tb.

(7) Ban c6 cham hoc khong?

Loi giai:
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(3 Dang 3. Phi dinh ménh dé

Phwong phap: Thém (hodc bét) tie “khéng” (hodc “khéng phdi”) vao trude vi ngit cia
ménh dé do.

Vi du 1. Pht dinh cdc ménh dé sau.
(1) Phuong trinh x2 — 4x+4 =0 c6 nghiém.
(2) Con thi thap hon cha.
3) 5+4=10.
(@) 10 chia hét cho 3.
(5) 5 1a s6 hitu ti.
(6) Pa-rila thu d6 nuéec Anh.
(@) C6 vo sb s6 nguyén t6.

Loi giai:

(D Dang 4. Ménh dé kéo theo

Phwong phap:
(&' Xét ménh dé P = Q. Khi dé P la gia thiét, Q la ket ludn.
& P la diéu kién di dé cé Q hodc Q la diéu kién can dé cé P.

Vi du 1. Phat biéu ménh dé A = B va xét tinh ding sai cia né.
D A:"'n>3";B:"-21>-6".
(2) A:"252 chia hét cho 2 va 3" ; B: "252 chia hét cho 6".

Loi giai:

(D Dang 5. Ménh dé ddo

Phuwong phdp: Ménh dé Q = P goi la ménh dé ddo ciia Q = P.

Vi du 1. Phat biéu ménh dé dao ctia ménh dé sau.
(1) Neéu 2 géc & vi tri so le trong thi hai géc d6 bang nhau.
(2) ABCD la hinh binh hanh thi AB song song véi CD.

N, * 2 e
CO1 glai:
.
................................................................................................
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(3 Dang 6. Ménh dé tvong duong

Phuong phdp: Kiém tra tiing ménh dé kéo theo dé xdc dinh moét ménh dé cé phdi la
ménh dé tuong duong hay khong ?

Vi du 1. Ménh dé nao sau day 12 ménh dé tuong duong?
(1) Tt gidc ABCD 1a hinh chit nhat khi va chi khi ABCD c6 ba géc vudng.
(2 T giac ABCD 1a hinh vuéng khi va chi khi ABCD c6 bon géc vudng.
(3) Tt giac ABCD la hinh thoi khi va chi khi ABCD c¢6 hai duong chéo vudng géc véi
nhau tai trung diém méi duong.

N, *? e
CO1 glai:
.
................................................................................................

(3 Dang 7. Phi dinh ménh dé chtra ki hiéu v, 3

Phuong phap:
(& Phu dinh ctia ménh dé "Vx € X,P(x)" la ménh dé "Ix € X ,P(x)".
(& Phu dinh ctia ménh dé "Ix € X,P(x)" la ménh dé "Vx € X ,P(x)".

Vi du 1. Phti dinh cdc ménh dé sau.
(1) Moi dong vat déu di chuyén.
(2) Cé it nhat mot so vo ty 1a so6 thap phan vo han tuan hoan.
3 VxeR,x2—x+7>0.
@) IxeN,x%=x.

Loi giai:

(® TULVAN

@ Cau 1. Trong cac cau duéi day, cau nao 12 ménh dé, cau nao 14 ménh dé chiia bién:

(1) S6 11 1a sb chan. ® 4+x=3.

(2) Ban c¢6 cham hoc khong ? (7) Hay tra 16i cau héi nay!.

(3) Hué 1a mot thanh phé caa Viét Nam. Paris 1a tha d6 nuée Y.

@ 2x + 3 1a mot s6 nguyén duong. (9) Phuong trinh x? —x+1 =0 c6 nghiém.
®) 2-v5<0. 13 14 mét sb nguyén t6.
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@ Cau 2. Trong cac ménh dé sau, ménh dé nao la ding? Giai thich?
(1) Néu a chia hét cho 9 thi @ chia hét cho 3.  (5) 2 va 3 14 hai s6 nguyén t6 cung nhau.
(2) Néu a = b thia? = b2 (6 81 1a mot s6 chinh phuong.
(3) Néu a chia hét cho 3 thi a chia hét cho 6. (7) 5>3 hosic 5< 3.
(4) S6 7 16n hon 2 va nho hon 4. S6 15 chia hét cho 4 ho#c cho 5.

@ Cau 3. Trong ciac ménh dé sau, ménh dé nao 1a ding? Giai thich? Phat biéu cac ménh dé
do6 thanh loi:

@) VxeR,x%>0. @ 3xeR,bx-3x%2<1

(2 IxeR,x>x? Jx e N,x%+2x+5 1a hop sb.

B3) IxeQ,4x2-1=0. (9 Vn e N,n?+1 khong chia hét cho 3.
(@) VneN,n?>n. VneN*,n(n+1)1asb 1é.

(B5) VxeR,x>3=>x2>09. @ Vn e N*,n(n+ 1)(n +2) chia hét cho 6.

6 VxeR,x2<5=>x<5h

@ Cau 4. Cho ménh dé chita bién P(x), v6i x € R. Tim x d& P(x) 1a ménh dé dung:

@) P(x):"x®—5x+4=0" 3) P(x):"x2-3x>0" (®) P(x):"2x+3<T"
2 Px):" 2 ~5x+6=0" @ Px):"yx=x" ® Px):"x®2+x+1>0"

@ Cau 5. Néu ménh dé phu dinh cta cac ménh dé sau:
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@) VxeR:x%2>0. 6 dxeR:x%=3.

(2 3xeR :x> % (?) VneN,n?+1 khong chia hét cho 3.
@) IxeQR:4x2-1=0. Vn € N,n?+2n+5 la s6 nguyén t6.
@ VxeR:x2—x+7>0. (9 VneN,n?+n chia hét cho 2.

®) VxeR:x?-x-2<0. VneN,n2-11asb18.

@ Cau 6. Phat biéu ciac ménh dé sau, bang cich stt dung khéi niém "diéu kién can", "diéu
kién dua":

(1) Néu mét s tu nhién c6 chit sb6 tan cung la chit s6 5 thi né chia hét cho 5.

(2) Néu a +b > 0 thi mét trong hai s6 a va b phai duong.

(3) Néu mot s6 tu nhién chia hét cho 6 thi né chia hét cho 3.

(@) Néu a =b thi a? =b2.

(5) Néu a va b cung chia hét cho c thi a + b chia hét cho c.

@ Cau 7. Phat biéu cac ménh dé sau, bang cach st dung khai niém "diéu kién can va da":
(1) Mot tam giac 1a vuong khi va chi khi né c6 mot géc bang téng hai géc con lai.
(2) Mot t gidc 1a hinh chit nhat khi va chi khi né c6 ba géc vudng.
(3) Mot tit giac 1a noi tiép dude trong duong tron khi va chi khi né c¢6 hai géc doi bu nhau.
(4) Mot sb chia hét cho 6 khi va chi khi né chia hét cho 2 va cho 3.
(5) S6 tu nhién n 1a s6 18 khi va chi khi n? 1a s6 18.

@® TRAC NGHIEM

@ Cau 1. Trong cac cAu sau, c¢6 bao nhiéu cau la ménh dé?
a) Hay mé cira ra!
b) S6 20 chia hét cho 8.
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¢) S6 17 1a mét s6 nguyén to.
d) Ban c¢6 thich choi bong da khong?
A. 1. B. 2. C. 3.

D. 4.

@ Cau 2. Trong cac cau sau, c¢6 bao nhiéu cau la ménh de?
a) Pak Lik 14 mot thanh phd cta Viét Nam.

b) Song Huong chay ngang qua thanh phé Hué.

¢) Hay tra 16i cau hoi nay!

d) 5+19=24.

e) 6+81=25.
A. 1. B. 2. C. 3.

D. 4.

@ Cau 3. Trong cac cau sau, c¢6 bao nhiéu cau 1a ménh dé sai?
(1) Hay c6 gang hoc that t6t!
(2) S6 20 chia hét cho 6.
(3) S6 5 1 s6 nguyén to.
(4) S6 15 12 mot s6 chan.
A. 1. B. 2. C. 3.

@ Cau 4. Trong cac cau sau, cAu nao khong phai 1a ménh de?
A. Paris c6 phai la thu d6 cia nuée Phap khong?
B. Paris la tht d6 cta nuéc Phap.
C. v31a mot sb vo ti.
D. Tam giac ABC c6 mot goc tu.

Suu tam va bién soan



1. MENH DE- MENH DE CHUA BIEN
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@ Cau 5. Cau nao trong cac cau sau khong phai 12 ménh dé?
A. Moi sb tu nhién déu 14 s6 nguyén.
B. S6 2017 1a sb nguyeén tb.
C. Téng cac géc trong clia mot tam gidc bang 90°.
D. x> -3x+2>0.

@ Cau 6. Trong cac phat biéu sau, phat biéu nao 14 ménh dé dung?
A. 712 mot s6 hitu ti.
B. Téng hai canh ctia mot tam giac luén 16n hon canh thi ba.
C. Ban ¢6 cham hoc khong? .
D. Con thi thap hon cha.

@ Cau 7. Trong cac ménh dé sau, ménh dé nao sai?
7<1. B. 7<10. C. n?=10.

@ Cau 8. Ménh dé nao dudi day 1a ménh dé pha dinh cia ménh dé "Hém nay, troi nang

to”?
A. Hém qua, trdi ning to. B. Hom nay, troi nang khong to.
C. Hom nay, troi khong nang to. D. Hom nay, troi mua to.
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[

Cau 9. Phu dinh ca ménh dé “Doi 12 mot loai chim” 14 ménh dé nao sau day?
A. Doi la mét loai c6 canh. B. Chim cung loai véi doi.
C.

Bo cau 1a mot loai chim. D. Doi khong phai la mét loai chim.

au 10. Trong cic cau khang dinh sau, cAu nao 12 ménh dé sai?

. Néu tam giac ABC théa man AB%+ AC? = BC? thi tam gidc ABC vuédng tai B.
. 214 s6 nguyén to.

. Néu mot phuong trinh bac hai c6 biét thiic A khong am thi né cé nghiém.

. Téng 3 géc trong cia mot tam gidc bang 180°.

UOW>O

@ Cau 11. Ménh dé nao sau day 1a pht dinh cia ménh dé “Moi dong vat déu di chuyén” ?
A. Moi dong vat déu khong di chuyén.

B. Moi dong vat déu ding yén.

C. C6 it nhat mot dong vat khong di chuyén.

D. C6 it nhat mét dong vat di chuyén.

@ Cau 12. Trong cac ménh dé sau, ménh dé nao sai?
Néu » 14 mét so nguyén 1é thi n2 1a s6 18.

Diéu kién can va da dé so tu nhién n chia hét cho 3 1a tong cac chit s6 ctia né chia hét
cho 3.

Tt giac ABCD la hinh chit nhat khi va chi khi né théa man AC =BD.
Tam giac ABC la tam giac déu khi va chi khi né théa man dong thsi hai diéu kién
AB=AC va A=60°.

oo W
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Cau 13. Trong cac ménh dé sau, ménh dé nao diung?
A. Néu a = b thi a2 = b2 B. Néu a?=b%thia=b.
C. Néu a chia hét cho 9 thi a chia hét cho 3. D. Néu a chia hét cho 3 thi a chia hét cho 9.

@ Cau 14. Biét A 1a ménh dé sai, con B 13 ménh dé dung. Ménh dé nao sau day dung?
A. B=>A. B. BoA. C. AoB. D. B=> A.

@ Cau 15. Cho a,b 1a hai s6 tu nhién. Ménh dé nao sau day sai?
A. Néu a,b 1a céc sb 18 thi ab 1é. B. Néu a chn va b 18 thi ab 18.
C. Neua va b 1é thi a + b chan. D. Néu a? 1é thi a 1é.

[

Cau 16. Trong cac ménh dé sau, ménh dé nao sai?

A. Néu m,n 1a cac s6 vo ti thi m.n cling 1a s6 vo ti.

B. Néu ABC 1a mot tam giac vudng thi dudng trung tuyén ng véi canh huyén bing nia
canh huyeén.

Véi ba vecto @, b, ¢ déu khéc vects 0, néu @,b cung huéng véi € thi @, b cung huéng.

. Diém G 14 trong tAm ctia tam giac ABC khi va chi khi GA+GB+GC=0.

o o
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@ Cau 17. Cho cac ménh dé P : “5 chia hét cho 2” va @ : ”11 1a sb nguyén t6”. Tim ménh dé

ding trong ciac ménh dé sau.
A. @>P. B. P=>Q. C. PoQ. D. P=>Q.

@ Cau 18. Xét ménh dé chita bién P(n): “n chia hét cho 12”. Ménh dé nao duéi day ding?
A. P(48). B. P4). C. P@3). D. P(88).

@ Cau 19. Cho cac ménh dé P:"VneN,n'2 va ni3 thini6", @ :"Vn € Z,n'6 thi ni3 va ni2".
Khang dinh nao duéi day dung vé tinh dung - sai cia cac ménh dé P va Q?
A. P dung, @ sai. B. P sai, @ dung.
C. P va @ cung sai. D. P va @ cung dung.

@ Cau 20. Trong céc cau sau, c6 bao nhiéu cau 1a ménh dé? Cé bao nhiéu ménh dé dung?
a) Tam giac can c6 hai géc bang nhau phai khong?
b) Hai vecto ¢6 d6 dai bang nhau thi bang nhau.
¢) Mot thang c6 téi da 5 ngay cha nhat.
d) 23 1a mét s6 nguyén tb.
e) Do thi ctia ham s6 y = ax?(a # 0) 1a mét duong parabol.
A. C6 5 ménh dé; 4 ménh dé dung. B. C6 4 ménh dé; 3 ménh dé dung.
C. C6 3 ménh dé; 2 ménh dé ding. D. C6 4 ménh dé; 2 ménh dé dung.
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@ Cau 21. Trong cic ménh dé sau, ménh dé nao sai ?

A. - 1<-2o712<4. B. 1<4o712<16.
C. V23<5=2v23<2-5. D. v23<5=-2v/23>-2.5.

@ Cau 22. Ménh dé nao duéi day dung?
A. 7 la so khong nho hon 4.
B. Néu a,b,c,d 1a cac s6 thuc thbamén a+b>c+d thia>cvab>d.
C. Néua>3thia>0.
D. 3xeNx®=2.

@ Cau 23. Ménh dé nao duéi day 1a ménh de phu dinh ctia ménh dé ”An néi Binh téng hoa
cho me vao ngay 8 - 3”7 ?

A. Cuong néi Binh tang hoa cho me vao ngay 8 - 3.

B. An néi Binh khong tang hoa cho me vao ngay 8 - 3.

C. An khong néi Binh tang hoa cho me vao ngay 8 - 3.

D. An néi Binh tang hoa cho me vao ngay sinh nhat.

@ Cau 24. Cho A,B 14 hai diém trén dudng tron (C) tAm O, va I 12 mot diém trén doan AB
(day AB khong di qua tam O). Ménh dé nao sau day dung?
A. "Néu I 1a trung diém AB thi O = AB".  B. "Néu I la trung diém AB thi OILAB".

C. "Néu I la trung diéem AB thi OI | AB". D. "Néu I la trung diém AB thi OI = EAB .
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@ Cau 25. Cho p va @ la hai ménh dé. P : "Tuan nay to6i mua mot vé x6 sb vietlott", @ : "Toi

sé trung 1\00 ti dong". Ménh de nép QU6i day khfmg la mér}h deP < Q. X

"Tuan nay t6i mua maot vé x0 so vietlott neu va chi neu to6i sé trung 100 ti dong" .

"Tuan nay t6i mua mot vé x4 sb vietlott khi va chi khi t6i sé tring 100 ti dong".

"Néu tuan nay toi mua mot vé x0 sb vietlott thi toi sé tring 100 ti dong.

. "Tuén nay t6i mua mét vé x0 sb vietlott 14 diéu kién can va da dé t6i sé tring 100 ti
dong".

Sowp

(4 Cau 26. Cho P 1a ménh dé dung, @ 12 ménh dé sai. Ménh dé nao sau day sai? .
A. Q. B. Q=>P. C. P=qQ. D. P = Q.

@ Cau 27. Tim ménh dé phu dinh cia ménh dé "vzeZ:22+2z > 2%+ 10"
A. "3zeZ:22+z2<z2*+10". B. "3z€7:22+z2<2z*+10".
C. "JzeZ:22+z=2%*+10". D. "3ze7:22+2>2*+10".

@ Cau 28. Cach phat biéu nao sau day khong dung d€ phat biéu ménh dé P < Q?
A. P khi va chi khi Q. B. P tuong duong Q.
C. P kéo theo Q. D. P la diéu kién can va dua dé€ c¢6 Q.
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@ Cau 29. Tim ménh dé ding.
A. VneN:n>0. B. 3imeZ:2m=m. C. VxeR:x?>0. D. 3keQ:k2=2.

@ Cau 30. Ménh dé "Binh phuong moi s6 thuc déu khéng 4m" mé t4 ménh dé nao duéi day?
A. 'VneN:n2=0". B. "IxeR:x*=0". C. "VxeR:x?=0". D. "VxeR:x2>0".

@ Cau 31. Ménh dé "Cé it nhat mot s6 tu nhién khac 0" mé ta ménh dé nao duéi day?
A. "VneN:n#0". B. "dxeN:x=0". C. "IxezZ:x#0". D. "IxeN:x#0".

@ Cau 32. Phu dinh cta ménh dé Vn e N,n2 —n 1a s6 chan?
A. VneNn?2-nlasolé. B. VneN,n?—-n 14 s6 chan.
C. IneN,n?2—n la sb chan. D. 3neN,n?-n la so 18.

@ Cau 33. Ménh dé nao sau day la diung?
2

A. 3xe z,% €Z. B. Va,beR,a?+b2 > 2ab.
x
C. IxeRx?>+3x+5=0. D. VyezZ,y3>y.

Suu tam va bién soan
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@ Cau 34. Ménh dé nao sau day la ding?
A. IneN:n?=n. B. VheN:n2>0.
C. 3neN:n2-2=0. D. VneN:nZ+11a s618.

@ Cau 35. Ménh dé nao sau day la dung?

1
A. VxeR:x2>0. B. VxeR:x<x-1. C. 3xeR:x2+1=3x. D. VxeR:=>zx.
X

@ Cau 36. Tim ménh dé phu dinh ciia ménh dé VmeZ,3neZ : m2-n?2=1.
A. ImezZ,VneZ : m2-n?#1. B. ImeZ, VYneZ: m?2-n2=1.
C. 3meZ dneZ : m?-n? #1. D. VmezZ, VYneZ: m?-n2=1.

@ Cau 37. Tim ménh dé pha dinh ctia ménh dé 3xeR, Iy e R : x% — y2 > 101000,
A. 3xeR,IyeR: x2 - y2 < 101000, B. VxeR, VyeR : x? - y% > 101000,
C. VxeR, VyeR : x2 - y2 < 101000, D. VxeR, VyeR : x? - y2 < 101000,
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(4 Cau 38. Ménh dé pht dinh ctia ménh dé P:"3x € R:x-3>0"1a:
A. B:"Eixe[R:x—3SO". B. E:"VxEIR:x—3SO".
C. P:"VxeR:x-3>0". D. P:;"3x¢R:x—3>0".

@ Cau 39. Ménh dé phu dinh cia ménh dé P:"VxeR:x2>0"1a: B
A. P:"3xeR:x2<0". B. P:"VxeR:x%2<0". C. P:"IxeR:x2<0". D. P:"Vx¢R:x2>0".

@ Cau 40. Ménh dé phu dinh ciia ménh dé Q:"VxeR:22+1#0" 1a:
A. Q"IxeR:x*>+1=0". B. Q:"Vx¢R:x*+1#0".
C. Q:'"VxeR:x2+1=0". D. Q:"IxeR:x%+1#0".
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BAI2.  TAP HOP- CAC PHEP TOAN TREN TAP HOP

@ TOM TAT LY THUYET
0 DINH NGHIA

Tap hop 1a mot khai niém co ban cta toan hoc, khong dinh nghia.

Cach xac dinh tap hgp:
(a) Liét ké cac phan t: viét cac phan t cia tap hdp trong hai ddu méc {...}.
(b) Chi ra tinh chat dic trung cho cac phan ti& ctaa tap hop.

Tap rong: 1a tap hop khong chita phan tit nao, ki hiéu @.

Q TAP HOP CON - TAP HOP BANG NHAU.

B AcBo(VxeA=xeB). B
A=Bo(AcBvaBcA)o (Vx,x€ Ao xeB).

® AcAVA.
® OcAVA.
® AcBBBcC=AcC.

€) MOT SO TAP CON CUA TAP HOP SO THYC.

Tén goi va ki hidu Tap hop (ng‘;(gi“gt;‘?;;‘;‘fcﬁo)

Tip 6 thire, khodng (~o0;+o) (—o0;+0) =R >

Pogn [a;b] [ab]~{xeR/asxss} | HH———dHH—~>
Khodng (a;b) (a:b)={xeR/a<x<b) W’
Khoing (~oc;b) (~oosb)={xcR/x <b} —l);/#"f"‘f‘”—’
Khoing (a; +) (a4o0) = (xR x>a) | P >
Nita khoing [ a;b) [a;b)={xeR/a<x<b)} W;{—l))"#”’q#’
Nira khodng (a;b ] (ab]={xeR/a<x<b} %H%’
Niza Khoiing [ a; +o0) [40)={xeR/xza) [0~
Nira khodng (—m;b] (—oo;b]:{xeR/be} —LW/_'
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YWGV: Doan Thinh

0 CAC PHEP TOAN TAP HOP.

(1) Giao cua hai tap hop: AnB < {x|x€ A va x € B}.
(2) Hop cta hai tap hop: AuB < {x|x € A hodc x € B}.
(3) Hiéu ctia hai tap hop: A\B © {x|x€ A va x ¢ B}.
(@) Phan bu: Cho Bc A thi C4B = A\B.

€©) CAC DANG TOAN

(O Dang 1. Xac dinh tap hop

Xdc dinh tip hop bang cdch liét ké.
Chi ra tinh chat ddc trung cho cdc phan ti cia tdp hop.

Vi du 1. Liét ké cac phan tit cia cac tap hop sau.
@ X ={xeR[2x®-Tx+5=0}.
@ Y ={xeN|3x—-5<x}.
Q) Z={x€Z|(x®> - 10x + 21)(x3 —x) = 0}.

Loi giai:

.....................................................................

.....................................................................

...........................

...........................

@ X ={1;2;3;4;5;6;7;8}.
@ Y ={-3;-2;-1;0;1;2;3}.

@Z:{llll }

21816

Vi du 2. Xac dinh tap hgp béang cach chi ra tinh chat dic trung.

.....................................................................

.....................................................................

...........................

...........................
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O Dang 2. Tim giao cua cdc tdp hop ’
Giao hai tdp hop ciia A va B la mét tip hop gébm cdc phan ti chung
cua A va B.
x€A
x€EANB o {
x€B
ANB
Vidu 1. Tim AnB.
(1) A ={xeN|x <20}, B = {x€N|x < 30}. (@) A =(1;5), B=[-2;4].
(2 A={-7;0;6;7;8}, B=1{-3;5;7;10;12}. (5) A =(-00;3), B=[-2;8).
3 A=(0;3), B=(%7). ® A=[-1;6), B=[-2;+00).
Loi giai:
O Dang 3. Tim hop cua cdc tap hop ’
Hop hai tdp hop ciia A va B la mét tdp hop gom cdc phan ti chung
va riéng cua A va B.
x€eA
x€AUB o
x€B
Vi du 1. Tim AUB.
(1) A ={xeN|x <20}, B ={xeN|x < 30}. @) A =(1;5), B=[-2;4].
(2) A={-7;0;6;7;8}, B={-3;5;7;10;12}. (B5) A =(-00;3), B=[-2;8).
3 A=(0;3), B=(7). 6 A=[-1;6), B=[-2;+00).

N, * 2 e
C1 glai:
.
................................................................................................
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................................................................................................

(O Dang 4. Tim hiéu cla cdc tap hop
Hiéu hai tdp hop ciia A va B la mot tdp hop gom cdc phan ti thudc
A va khong thudc B.
x€A
x€A\B & {
x¢B
Vidu 1. Tim A\B.
(1) A ={xeN|x <20}, B={xeN|x < 30}. (4 A=(1;5), B=[-2;4].
(2 A={-7;0;6;7;8}, B={-3;5;7;10;12}. (5) A =(~00;3), B=[-2;8).
3 A=(0;3), B=(%7). (® A=[-1;6), B=[-2;+00).

N, * 2 e
C1 glai:
.
................................................................................................
................................................................................................
................................................................................................

O Dang 5. Tim tép con cua tap hop

A duogc goi la tap con ciia tdp B va ki hidu la A B néu moi phan ti cia tdp A déu thudce
B.

Vi du 1. Tim tét ca céc tap hgp con ciia tap

@ A ={1;2;3}. @ A ={a;b}, B={a;b;c;d}.
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Loi giai:

................................................................................................

(® TULVAN
@ Cau 1. Viét méi tap hop sau bang cach liét ké cac phan ti ciia né:
@D A={xeR|2x*-5x+3)(x®>—4x+3)=0} ® E={xeN|x+3<4+2x vabx—-3<4x—1}
@ B={xeR|x*-10x+21)x%-x)=0} ® F={xeZ|lx+2|<1)}
@) C={xeR|(6x%—Tx+1)(x®—5x+6)=0} @ G ={xeN|x<5}
@ D={xeZ|2x*-5x+3=0} ® H={xeR|x*+x+3=0}
@ Cau 2. Viét méi tap hdp sau bang cach chi ré tinh chat dic trung cho cac phan ti cia né:
1) A=1{0;1;2;3;4} (@) D =1{9;36;81;144}
(2) B=1{0;4;8;12;16} ®) E=1{2,3,5,7,11}
(3) C={-3;9;-27;81} 6) F=1{3,6,9,12,15}

@ Cau 3. Trong cac tap hdp sau day, tap nao la tap rong:

@D A={xeZ|lx|<1} @ D={xeQ|x?*-2=0}
@B:{x€R|x2—x+1:O} @E:{x€N|x2+7x+12:0}
@ C={xeQla?-4x+2=0} ©® F={xeR[x*-4x+2=0}
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@ Cau 4. Tim tat ca cac tap con, cac tap con gom hai phan t cta cac tap hop sau:
@ A={1,2} (@ D={xeR|2x?-5x+2=0}
2 B={1,2,3} ® E={xeQs®-4x+2=0}
3) C={a,b,c,d}

@ Cau 5. Tim AnB,AuB,A\B,B\ A véi:
1) A=1{24,7,8,9,12},B =1{2,8,9,12}
2 A=1{2,4,6,9},B=1{1,2,3,4}
@ A={xeR|2x*-8x+1=0},B ={xeR|2x—1|=1}.
(@) A = Tap cac udc sb cia 12, B = Tap cac udc sb cta 18.
B A={xe R|(x+ 1)(x —2)(x® - 8x+15)=0}, B = Tap cac s6 nguyén t6 c¢6 mot chit sb.
©® A={xeZ|x®<4},B={xeZ|(5x—3x?)(x?-2x—3)=0}.

@ Cau 6. Tim AnB,AUB,A\B,B\ A véi:
@ A=[-4;4],B=[1;7] (@ A =(-00;—2],B =[3;+00)
2 A=[-4;-2]1,B=(3;7] (®) A =[3;+00),B =(0;4)
@) A=[-4-2,B=(3;7) ©® A=(1;4),B=(2;6)
@ Cau7. Tim AuBUC, AnBnC véi:
D A=[1;4],B=(2;6),C =(1;2) 3 A=[0;4],B=(1;5),C =(-3;1]
(2) A =(—00;-2],B =1[3;+00),C = (0;4) @) A =(—00;2],B =[2;+00),C = (0;3)
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@® TRAC NGHIEM

@ Cau 1. Cho tap hop A ={neN|3 <n <10}. Dang liét ké ctia tap hop A 1a

A. A=1{3;4;5;6;7;8;9}. B. A={4,;5;6;7;8;9;10}.
C. A=1{4,5;6;7;8;9}. D. A ={3;4;5;6;7;8;9;10}.
@ Cau 2. Cho tap hop A={neZ|-2<n=<5}). Tap hop A bang tap hop nao sau day?
A. M ={-1,0;1;2;3;4}. B. N ={-1;1;2;3;4;5}.
C. P={-1;0;1;2;3;4;5}. D. @ ={-2;-1;0;1;2;3;4}.
@ Cau 8. Tap hgp A = {xeR|x%+3x—7=0} c6 bao nhiéu phan ti?
A. 0. B. 1. C. 2. D. 3.

@ Cau 4. Cho tap hop F = {-10;-5;0;5;10}. Tap hop F dudc viét bang cach chi rd cac tinh chat
dac trung cho cac phan t cia né la

A.F:{n€Z|n55Vé—1OSnle}. B.F:{n€Z|nf5}.

C. F={nezZ|-10<n<10}. D. F:{n€Z|n55Vé —11<n515}.
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@ Cau 5. Khang dinh nao sau day sai?
A. AcBo (Vx,xe A=>x€B).
B. AcB)va(Bc(C)=>(Ac(O).
C. @ khong phai tap hdp con ctia A vé6i moi tap hop A.
D. A=Bs(AcBvaBcA).

@ Cau 6. Cho tap hop B = {x e R]x? - 3x — 4 = 0}. Dung phuong phap liét ké phan ti, xac dinh
tap hop B.
A. B={-1}. B. B={4}. C. B=(-1;4). D. B={-1;4}.

Cau 7. Cho tap hop A = {x e N|x% + 8x + 15 = 0}. Khang dinh nao sau day ding?
A. A={-3;-5}. B. A=02. C. A={2}. D. A={0}.

@ Cau 8. Cho tap hop C ={0;1;2;3;4}. Khing dinh nao sau day dung?

Ch
A. C={xeRlx<5}. B. C={xeN|x<5}. C.C={xeZ|x<4}. D.C={xeQlx=4}.
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@ Cau 9. Cho tap hgp A = {xeR| -1 <x < 4}. Khing dinh nao sau day diing?
A. A=(-1;4]. B. A={-1;4}. C. A=(-1;4). D. A=[-1;4].

@ Cau 10. Cho tap hgp X = {x e R| -2 <x <5}. Khang dinh nao sau day ding?
A. X =(-2;5). B. X ={-2;5}. C. X =[-2;5). D. X =[-2;5].

@ Cau 11. Tap hgp X = {x € Z|x® -~ 7x + 6 = 0} ¢6 bao nhiéu phan t&?

A. 1. B. 2. C. o. D. 3.
@ Cau 12. Tap hop X =[-1;4] c6 bao nhiéu phan ti?
A. 2 B. 1. C. 5. D. Vb sb.

@ Cau 13. Cho tap hop A = {n €z|6: n} Hay viét tap hop A dudi dang liét ké?

A. A={-6;-3;-2;-1;1;2;3;6}. B. A={-6;-3;-2;-1}.
C. A={1;2;3;6}. D. A={-6;-1;1;6}.
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@ Cau 14. Cho A 12 mot tap hop, hay tim ménh deé sai trong cac ménh dé sau.
A. AcA. B. ocA. C. AcCA. D. Ae{A}.

@ Cau 15. Tap hop A ={x€R|2>x >0} bang tap hop nao dudi day?

A. (0;2]. B. (0;2). C. [0;2]. D. {0;2}.
@ Cau 16. Tap hgp A = {x € R|2x% - Tx + 1 =0} ¢6 bao nhiéu phan t?
A. 0. B. 1. C. 2. D. v6 sb.

au 17. Tap hop A = {x € R|2x? —x + 1 =0} c6 bao nhiéu phan ti?
0. B. 1. C. 2. D. 3.

@ Cau 18. Tap hop A =(1;5) c6 bao nhiéu phan ta?
2. B. Vo0 so. C. 3. D. 5.
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@ Cau 19. Hay viét tap hop A = {x e R|2x% - 3x + 1 = 0} dudi dang liét ké cac phan ti.
A. A:{l;l}. B. A:{l}. C. A:{—l;l}. D. A:(l;l).
2 2 2 2

@ Cau 20. Trong cac tap hop sau, tap hop nao khac tap @?
A. A={neN|n+1=0}. B. B={(x;y)|x,yeRvax?+y2=0}.
C. C:{n€Z|n2:2}. D.D:{xEIRI—x2+x—1:O}.

@ Cau 21. Cho tap hop A =[-2;1). A 1a tap con cta tap hop nio sau day?
A. B=[-1;2). B. C={xeR|-2=<x<1}.
C.D={xe7|-2<x<1}. D. E={xeN|-2<x<1}.

@ Cau 22. Cho tap hop X = {xeR|x > —1}. Tap hop nao trong cac tap hop sau day khong chiia
tap hgp X?
A. A=[-3;7). B. R. C. B=[-3;+00). D. C=[-1;+00).
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@ Cau 23. Cho tap hop K = {x e R| 2x? + x + 18 = 0}. K&t luan ndo sau day ding?
A. K ={0}. B. K=0. C. K=0. D. K ={z}.

@ Cau 24. Cho tap hop A # . Trong cac ménh dé sau, ménh dé nao la ménh dé ding?
A. Aug=A. B. Aug=0. C. AuA=02. D. ouA=2.

@ Cau 25. Cho hai tap hop X ={7,2,8,4,9,12} va Y ={1,3,7,4}. Tim tap hop X nY.
A. {1,2,3,4,8,9,7,12}. B. {2,8,9,12}. C. 4,7). D. {1,3}.

@ Cau 26. Cho hai tap hop X =1{2,4,6,9} va Y ={1,2,3,4}. Tim tap hop X uY.
A. {1,3}. B. {6,9}. C. {1,2,3,4,6,9}. D. {2,4}.

@ Cau 27. Cho hai tap hop X ={0,1,2,3,4} va Y ={2,3,4,5,6}. Tim tap hop X \Y.
A. {0} B. {0,1}. C. {1,2}. D. {1,5}.
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1
@ Cau 28. Cho hai tap hop M = {5, 1,5,7,9} va N ={-2,0,5,7,8}. Tim tap hop MuUN.

1
A. {-2,0,5,9}. B. {—2,0,5,9}.
1 1
C. {—2,0,—,1,5,7,8,9}. D. {—,1,9}.
2 2

@ Cau 29. Cho hai tap hop A ={0,2,4,6,8} va B ={0,2,4}. Tim tap hop C,B.
A. {0,2,4,6). B. {0,2,4,8}. C. {2,4}. D. {6,8}.

@ Cau 30. Cho hai tap hop A ={1,2,3,4} va B={2,4,6,8}. Tim tap hop A \B.
A. {1,2,3). B. {1,3). C. 6,8). D. {2,4,6}.

@ Cau 31. Cho hai tap hop X =(—00;3]1 va Y =(2;+00). Tim tap hop X uY.
A. [2;+00). B. (-3;2]. C. R D. o.

@ Cau 32. Cho hai tap hop X =(—o0;1]1 va Y =(1;+00). Tim tap hop X nY.
A. [3;+00). B. R. C. o. D. {3}.

133] Suu tam va bién soan



2. TAP HOP- CAC PHEP TOAN TREN TAP HOP WGV: Doan Thinh

@ Cau 33. Cho hai tap hop X =[-2;3]1 va Y =(1;5]. Tim tap hop X\Y.
A. [-2;1]. B. (3;5]. C. [-2;1). D. (-2;1].

@ Cau 34. Cho tap hop A =(2;+00). Tim tap hop CrA.
A. [2;+00). B. (2;+00). C. (—o0;2]. D. (—o0;-2].

@ Cau 35. Cho cac tap hop sau A =(-1;5]1,B =(2;7). Tim tap hop A\ B.
A. (-1;2]. B. (2;5]. C. (-1;7). D. (-1;2).

@ Cau 36. Cho cac tap hop A =[-2;3];B =(1;5]. Tim tap hop AuB.
A. [-2;5]. B. (1;3]. C. [-2;1]. D. (3;5].

u 37. Cho cac tap hop A =(—00;3];B =[3;+00). Tim tap hop Bn A.
. R. B. {3). C. o. D. [3;+00).
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@ Cau 38. Cho céc tap hop A =[-2;3],B =(1;5]. Tim tap hop B\ A.
A. (3;5]. B. [-2;5]. C. (1;3]. D. [-2;1].

@ Cau 39. Cho tap hop A = (2;+00). Tim phan bu cta tap hop A trong tap hdp céc sb thuc

=

A. [2;+00). B. (2;+00). C. (—o0;2]. D. (—o0;-2].

@ Cau 40. Cho cac tap hop A = (—o0;3],B = (2;+00). Tim tap hop Bn A.
A. [3;+00). B. (2;3]. C. R D. o.

@ Cau 41. Cho hai tap hdp A = (—o00;3],B = (2;+00). Tim tap hop BUA.
A. [2;+00). B. (2;3l. C. R D. o.

35] Suu tam va bién soan



2. TAP HOP- CAC PHEP TOAN TREN TAP HOP WGV: Doan Thinh

@ Cau 42. Cho hai tap hop A =(-5;3) va B=(0;7). Tim tap hop AnB.
A. (0;3). B. [0;3]. C. (-5;0). D. 3;7).

@ Cau 43. Cho hai tap hop A =(-1;5) va B=(3;7). Tim tap hop A UB.
A. (3;5). B. 5;7). C. (-1;7). D. (-1;3).

@ Cau 44. Cho hai tap hgp A = {x|x € R} v& B =(0;+00). Tim tap hgp A\ B.
A. (—o0;0]. B. [0;+00). C. (0;+00). D. (—o00;0).

@ Cau 45. Cho hai tap hgp A = {x e R|x+2=0} va B = {x € R|5—x = 0}. Tim tap hop A\ B.
A. [-2;5]. B. [-2;6]. C. (5;+00). D. (2;+00).

@ Cau 46. Cho hai tap hop A = {x € R| (x® - 1) (x® —8x +4) = 0} va B = {x € Z| |x| = 2}. Tim tap hgp
AUB.
A. {-2,-1,0,1,2,4}. B. {-2,-1,0,1,2,-4}. C. {-1,1}. D. {-2,0,2}.
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@ Cau 47. Cho tap hop A = {x e R|(x? — 1)(x? —4) = 0} va tap hop B = {x € Z||x| = 2}. Khi d6, tap
AuUBla

A. {-2,-1,0,1,2}. B. {-4,-2,-1,0,1,2,4}.
C. (-2,-1,1,2}. D. {-2,0,2}.

@ Cau 48. Cho tap hop B = {xeN*|x <4} va tap hop A gom nhitng s6 tu nhién 16 khéng l6n
hon 8. Tim tap hop AnB.
A. {1,3}. B. {1,2,3,4}. C. {0,1,3,5}. D. {0,1,2,3,4,5,7}.

@ Cau 49. Cho céc tap hop M =[1;4], N =(2;6) va P = (1;2). Tim tap hp MnNnP.
A. [0;4]. B. [5;+00). C. (—oo;1). D. .

@ Cau 50. Cho hai tap hop X =[-4;7]1 va Y =(—00;—2) U(3;+00). Tim tap hop X nY.
A. [-4;-2)u(3;7]. B. [-4;-2)u(3;7). C. (—00;2]u(3;4+00). D. (—o0;-2)U[3;+00).

Suu tam va bién soan



2. TAP HOP- CAC PHEP TOAN TREN TAP HOP WGV: Doan Thinh

Suu tam va bién soan



YWGV: Doan Thinh

CHUONG 2/ HAM Sé

BAI1. DAI CUONG VE HAM O

@ TOM TAT LY THUYET
€) DINH NGHIA

Dinh nghia 1. Cho D cR, Z # @. Ham s6 f x4c dinh trén 2 1a mot qui tac dat tuong
ing méi s6 x € 2 v6i mot va chi mot s6 y € R.

x dudc goi 1a bién sb (d6i s6), y dude goi 1a gia tri cia ham sb f tai x.

Ki hiéu: y = f(x).

2 &udc goi 1a tap xac dinh ctia ham sb f.

€) CACH CHO HAM s

(1) Cho bang bang.

(2 Cho bang biéu do.

(3) Cho bang cong thic y = f(x).

(@) Tap xac dinh ctia ham s6 y = f(x) 1 tap hop tat ca cac sb thuc x sao cho biéu thic
f(x) c6 nghia.

€ 0O THI CUA HAM 56

P06 thi ciia ham sb y = f(x) xac dinh trén tap 2 la tap hop tat ca cac diém M (x;f(x)) trén
mat phang toa d6 v6i moi x € 2.

€) su BIEN THIEN COA HAM 56

Cho ham s6 f xac dinh trén K.
(1) Ham so y = f(x) dong bién (ting) trén K néu Vxi,x9 € K : 1 <xg = f(x1) < f(x2).
(2) Ham s6 y = f(x) nghich bién (gidm) trén K néu Vx1,x9 € K : x1 < x2 = f(x1) > f(x2).

@ TiNH CHAN LE CUA HAM $O

Cho ham s6 y = f(x) c6 tap xac dinh 2.
(1) Ham sb f dudc goi 12 ham s6 chan néu véi Vx € 2 thi —x € 2 va f(x) = f(x).
(2) Ham sb f dudc goi 1a ham s6 16 néu véi Vx € 2 thi —x € 2 va f(x) = —f(x).
Chu y:
hi ctia ham s6 chén nhan truc tung lam truc déi xing.
hi ctia ham s6 1é nhan gbc toa do 1am tam d6i xing.

W&
vl
O O
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1. DAI CUONG VE HAM SO

YWGV: Doan Thinh

€) cAcpaNG BAITAP

(3 Dang 1. Tim tap xdc dinh cla ham sé.

Phuong phap giai.

Chu y: Néu P(x) la mét da thiic thi:
4 L co nghia< P(x) #0.

P(x)
& VP(x) ¢6 nghia < P(x) = 0.

4
VP(x)

co nghia < P(x) > 0.

Tép xdc dinh ciia ham sé y = f(x) la tdp cdc gid tri cia x sao cho biéu thic f(x) c¢é nghia.

You

@D y=x*+x3-2x+5. @) y=+3x-5.

Vi du 1. Tim tap xac dinh cta cac ham so sau day:

x+3 2x -3
@r=Fs @y_\/m'
_x+V5 ® y=v2+x+v6-3x.
@ Y= 2 .
x%+4x

@ _2x\/3x+7
y‘x2+2x—3’3
X
@) y=vVax+2+ .
. v1-x

Loi giai:

...............................................................

...............................................................

...............................................................

...............................................................

.................................

.................................

.................................

.................................
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1. DAI CUONG VE HAM SO WGV: Doan Thinh

(3 Dang 2. Xét tinh chén, 1& cGa cdc ham sé.

Phuong phap giai.
Ham sb y = f(x) xdc dinh trén 9:
. o |Vx€eD=>-—xeP
& Ham so chan rer=mre
f(=x)=f(x)
VxeEP=>-x€D
f(=x)=-f(x)
& Chu y: Mot ham sé c6 thé khong chan cing khong lé.
Quy trinh xét ham so chan, le.
(D) Tim tap xdc dinh ciia ham sb.

& Ham sb lé{

(2 Kiém tra
& Néu Vxe 2 = —xe 9. Chuyén qua budc ba

& Néu 3xg€ 2 = —xo ¢ 2 két luan ham khong chan ciing khong lé.
(3 Xdc dinh f (—x) va so sanh véi f(x).
& Néu bang nhau thi két lugn ham sb la chdn.
& Néu déi nhau thi két lugn ham sé la 1é.
& Néu ton tai mot gid tri xo € 2 ma f(—xo) # [ (x0), f (—=x0) # —f (x0) két lugn ham sb
khong chan cing khong lé.

g Vi du 1. Xét tinh chén 1& ctia cdc ham sb
2, a4 4.2
= x“ + 3x*. x*+x°+5
@ vy @ y=—"2 72

2 y=x%+3x. 3x
@ y=vV2+x+v2-x.

Loi giai:

................................................................................................
................................................................................................

® 1V LAN

Oo»

@ Cau 1. Tim tap x4c dinh ctia cac ham s

Suu tam va bién soan



1. PAI CUONG VE HAM SO WGV: Doan Thinh

_ x+1 2vx—1 @ y=v6-3x—vx—1
®y_(x+1)(x2+3x+4) ® y= x-2 _ 2x+9
2 2
@ y= 2x“+x+1 ® y=vxi2- ) (x+4)\/x+
x3+x2x—5x—2 x—1 @ V3x—2+6x
@ y=— @ _ Vxtl \/_—
(22 - 1) — 242 YT a6 V2—x+Vx+2
@ _ \/3.7C2_]. 3x_1 @ X :
YT 2 42x+3 Y it 1
@ Cau 2. Xét tinh chan, 1é cta ciac ham s6 sau
@) flx)= x+ +vbh—x @ fx)=Vx+1-V1-x
@ Fx )_x +5x ® f(x):ixf—zxﬂ
+54 ® f(x):x—l
3 f(x)=x2_1
(® TRAC NGHIEM
@ Cau 1. Tim tap xéc dinh ctia ham séy:z%?
A. 2=R\{3L B. 2=R\{-3}. C. 2=R. D. 2 =(-00;3).
@ Cau 2. Ham sb nao sau day luén xac dinh v6i moi x thudc tap R?
1 ¥« Vx x
A y=—. B. y= .y — D. v=
YT YT C.y x2+1 YT

Suu tam va bién soan



1. PAI CUONG VE HAM SO WGV: Doan Thinh

@ Cau 3. Tim tap xac dinh ctia ham sb y = v2x - 3.

A. 7=R. B. 7= §;+oo). C. 7= g;+oo), D. @:(_ooﬁ],
2 3 2
@ Cau 4. Tim tap xac dinh ctia ham s6 y = V2 —«2.
A. 7=[-2;2l. B. 7=(-00;V2l. C. 72=[-v2;V2]. D. 7=(-v2;V2).

~ N 2 vx—a . < LY 2 ma . . ” N A 3~ N
@ Cau 5. Cho ham s6 y = ~———, v6i a 1a hang s6. Tap xac dinh cia ham s6 da cho 1a
X—a

A. Q:R\{g}. B. é:[a;+oo)\{g}. C. Y =la;+0). D. .@:(a;+oo)\{g}.

2 2 2 p
@ Cau 6. Cho ham s6 f(x) = s . Ham s0 nao sau day c6 cung tap xac dinh v6i ham so
Vx2-9
f(x)?
Va2 _
A gy= Y9 B. h(x)= —%
+2 Vx2-9
1
C. k(x)=————. D. #(x)=vx2-9.
(x+4)Vx2-9

Suu tam va bién soan



1. PAI CUONG VE HAM SO WGV: Doan Thinh

@ Cau 7. Ham s6 nao sau day luén dong bién trén tap R?

A. y=x2 B. y=2x+1. C. y=—x2+3x-1. D. yzl.
x
@ Cau 8. Tap xac dinh cia ham s6 y=v2—-x+ 2017 la
vVa—1
A. 7=[1;2]. B. 2=(;2].
C. 2 =(-00;1]U[2;+00). D. 2 =(—00;1)U[2;+00).
A ~ , . > < A x—3 R
@ Cau 9. Tap xac dinh ctia ham s6 y = 7E la
x
A. 2 =(0;+00). B. 2 =[0;+00). C. 2 =R\{0}. D. 2=R.
@ Cau 10. Tim tap xac dinh cia ham s6 y = 93—x2
—X
A. 2=R\{-3}. B. 2=R\{-3;3}. C. 2=R\{-3}. D. 2 =R.
@ Cau 11. Ham s6 nao sau day c6 tap xac dinh 1a 2 =R ?
_2x+1 _x+l _ V2+x _ Vx
A= Br=ay Crv="% D= ge

Suu tam va bién soan



1. PAI CUONG VE HAM SO WGV: Doan Thinh

@ Cau 12. Ham sb f(x) ¢ tap xac dinh 2 goi 12 ham s6 chan néu
A. Vxe 2 thi f(-x)=—f(x). B. Vxe 2 thi f(—x) = f(x).
C. Vxe Z thi —xe Z va f(—x) = —f(x). D. Vxe 2 thi —x€ Z va f(-x) = f(x).

@ Cau 13. Ham sb f(x) ¢6 tap xac dinh 2 goi 14 ham s6 1é néu
A. Vxe 2 thi f(—x)=—f(x). B. Vxe 2 thi f(-x) = f(x).
C. Vxe 2 thi —xe€ 2 va f(-x) = —f(x). D. Vxe 2 thi —x€ 2 va f(-x) = f(x).

@ Cau 14. Xét tinh chén, 1é ctia ham s6 y = f(x) = —2x° + x.
A. f(x)la ham so chan.
B. f(x)1a ham s6 1é.
C. f(x) khéng phai 12 ham sb chin ciing khong phai 14 ham s6 1é.
D. f(x) vita 12 ham s6 chan vita 13 ham s6 1é.

@ Cau 15. Xét tinh chén, 16 ciia ham s6 y = f(x) = x* - 3x% + 1.
A. f(x)1a ham s6 chan.
B. f(x) 12 ham sb 1é.
C. f(x) khéng phai 12 ham s6 chan ciing khong phai 14 ham s6 1é.
D. f(x) vita 12 ham s6 chin vira 14 ham sb 1é.

Suu tam va bién soan



1. PAI CUONG VE HAM SO WGV: Doan Thinh

@ Cau 16. Xét tinh chan, 1& cia ham s6 y = f(x) = x2|x|.
A. f(x) la ham so chan.
B. f(x)1a ham s6 1é.
C. f(x) khong phai 12 ham s6 chan ciing khong phai 1a ham s6 18.
D. f(x) viza 13 ham sb chén viua 1a ham sb 1é.

@ Cau 17. Xét tinh chén, 1é ctia ham sb y = f(x) = 23 + 2x2 — 1.
A. f(x)la ham so chan.
B. f(x)1a ham s6 1é.
C. f(x) khong phai 14 ham sb chn ciing khéng phai 1a ham sb 18.
D. f(x) vita 13 ham s6 chén via 1a ham sb 1é.

@ Cau 18. Ham s6 nao duéi day 1a ham s6 18?

4 2
—x*+2x“+1
A. y=2. B. y=2x%+2x2. C. y=—""-" " D. y=x*—4x2.
X
@ Cau 19. Ham s6 nao duéi day 12 ham s6 chan?
x+4 x*+2x2-5
A, y=x3+x. B. y=3. C. y= . D.y=———.
2x—2 X

Suu tam va bién soan



1. PAI CUONG VE HAM SO WGV: Doan Thinh

@ Cau 20. Xét tinh chat chan 18 ca ham sb y = f(x) = 2x% + 3x + 1. Trong cac ménh dé sau,
ménh dé nao ding?

A. y=f(x)1a ham sb chan. B. y=f(x) 1a ham s6 18.

C. y=f(x) 12 ham sb khéng c6 tinh chdn 1é. D. y=f(x) 12 ham s6 via chan vira 1é.

Suu tam va bién soan



9. HAM SO BAC NHAT WGV: Doan Thinh

BAI2.  HAM SO BAC NHAT

@ TOMTAT LY THUYET
0 DINH NGHIA

I Ham s6 bac nhat 13 ham s6 ¢6 dang y =ax+b (a #0).

€ sy BENTHIEN

@ TXD: 7 =R
(2) Ham sb s6 dong bién khi a > 0 va nghich bién khi a <0
(3 Bang bién thién:

X —00 +00 X —00 +00

+0o0 +0o0

ax+b ax+b
(a>0) (a<0)
€ 0O

D6 thi ctia ham s6 y = ax+b (a # 0) 1a mot dudng thang c6 hé sé géc bang a, cit truc hoanh
b

tai A (——;0) va truc tung tai B(0;b)
a

Chu y:
& Néu a=0= y=>1aham sb hang, d6 thi 12 dudng thang song song hoic trung véi truc
hoanh.

& Phuong trinh x = ¢ ciing 13 mét dudng thang(nhung khéng phai 14 mét ham s6) vuéng
géc véi truc toa do va cét tai diém c6 hoanh d6 bang a.

& Cho dudng thang d c6 hé sb géc &, d di qua diém M (xo;y0), khi d6 phudng trinh cia
duong théng dla: y—yo=a(x—xg).

€)» CcAc DANG TOAN

(3 Dang 1. Tinh déng bién, nghich bién ctia ham sé bac nhat

Phuong phap:
& Ham so y =ax+b dong bién trén R< a > 0.
& Ham so6 y = ax+b nghich bién trén R < a <0.

) . b . s b
& Ham so y = |ax +b|(a # 0) dong bién trén (—E;+oo) va nghich bién trén (_OO;_E)'

& Ham sé y=alx|+b vdi a >0 dong bién trén (0;+oco) va nghich bién trén (—oo;0).
& Ham so y =alx|+b vdi a <0 nghich bién trén (0;+oo) va dong bién trén (—oo;0).

Vi du 1. Tim tat ca cac gia tri ctia tham s6 d& ham sb6 y = (2—m)x+m +1 dong bién
trén R.

Suu tam va bién soan



9. HAM SO BAC NHAT WGV: Doan Thinh

Loi giai:

................................................................................................

Vi du 2. Tim tat ca cic gid tri cia tham s6 d& ham sé y = (2m +2)x — m nghich bién
trén R.

Loi giai:

(3 Dang 2. Xdc dinh ham sé bac nhéat

& Viét phuong trinh duong thing d di qua hai diém A va B, (xa # xB).
Phuong trinh duong thing d cé dang y=ax+b (1).
Thé toa dé A va B vao (1), dudc hé phuong trinh hai Gn a va b.
Gidi hé phuong trinh nay, tim dudc a va b.
& Viét phuong trinh duong thang di qua diém A va song song véi A:y=a'x+b/.
Phuong trinh duong thang d cé dang y=ax+b, (b #b') (1.
Vi A ed nén thé toa dé A vao (1) dudc phuong trinh (*).
Vid| Anéna=a' (¥*%).
Gidi hé (*) va (**) ta tim duoc a va b.
& Viét phuong trinh duong thing di qua diém A va vudng géc véi A:y=a'x+b'.
Phuong trinh duong thing d cé dang y=ax+b (1).
Vi A e dnén thé toa doA vao (1) dude phuong trinh (¥).
Vi d LA nén a.a’ = —1(*%).
Gidi hé (*) va (**) ta tim duoc a va b.

Vidul. Viét phuong trinh dudng théng di qua hai diém A (-2;1), B(1; -2).

Loi giai:

................................................................................................

Vi du 2. Tim tat ca céc gi tri thuc ctia tham s6 m dé duong thang d :y = (3m +2)x —
7m — 1 vudng goc v6i duong thang A:y=2x-1.

Loi giai:

................................................................................................
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9. HAM SO BAC NHAT WGV: Doan Thinh

(O Dang 3. Vé dd thiham s6 y =ax +b

Phwong phap:
& Chox=0=>y=a.0+b=b=A(0;d).

4 Choy=0:>x:—é :>B(—é;0).
a a

& D6 thi ham sb y = ax+b la duong thing di qua A, B.

i@ Vi du 1. V& do thi cia ham s6 y =x - 2.
Loi giai:
(3 Dang 4. Twong gido ctia hai dudng thdng y = ax + b(d1) V&l y = a'x + b'(ds)

. . . . =ax+b
™ a#d ©dinds =1 Toa dé diém I la nghiém ctia hé phuong trinh.: {i B Zf; oy
¥ dld eaa =-1

a= a' 0
4 b2b od|d.
o
4 {Z:Z, ed=d.
Vi du 1. Cho dudng thang (d) c6 phuong trinh y = ax + 5. Tim phudng trinh (d) biét
(d) di qua diém A(—3;2) va song song vdi (A):y = —x + 2.

Loi giai:

................................................................................................
................................................................................................

Vi du 2. Cho dudng thang (d) c6 phuong trinh y = ax + 4. Tim phuong trinh (d) biét
> . 1
(d) di qua diém M(2;5) va vuong goc voi (A):y = bk +2.

Suu tam va bién soan



2. HAM SO BAC NHAT WGV: Doan Thinh

N, * 2 e
C1 glai:

.
................................................................................................
................................................................................................

® 1V LUAN
@ Cau 1. Lap bang bién thién va vé do thi ctia cac ham s6 sau

a) y=2x-3 c) y=x+2 e) y=x+3
b) y=-x-3 d) y=2x-5 ) y=3x-7

@ Cau 2. Cho ham sb bac nhét ¢6 db thi la dudng thang d. Tim ham sb d6 biét:
a) d di qua A(1;1),B(3;-2).
b) d di qua A(3;0),B(-2;2).
c) d di qua C(2;-2) va song song véi A:x—y+1=0.
d) d di qua D(1;3) va song song v6i A:2x—y+5=0.
e) ddiqua N(1;-1)vadld véid :y=-x+3.
f) d diqua M(2;0)vadld véid :y=x+3.

@ Cau 3. Cho duong thang (d1):y = x+2 va duong thang (dg):y = (2m? —m)x+m? + m.

a) Tim m d€ (dy) | (d2).
b) Goi A 1a diém thudc dusng thing (d1) ¢6 hoanh d6 x = 2. Viét phuong trinh duong thang

(d3) di qua A vuong goc véi (d1).

Suu tam va bién soan



2. HAM SO BAC NHAT

YWGV: Doan Thinh

@® TRAC NGHIEM

@ Cau 1. Ham sb nao sau day khong phai 14 ham s6 bac nhat?

2
A. y=1-x. B. y:f. C. y=-. D. y=x+2.
2 X
@ Cau 2. Trong cic ham s6 sau, ham s6 nao 1a ham sb bac nhat?
1 +1
A. Y=g B. y=VT7x+1. C. y:mx . D. y=v2x+m+1.
x x
@ Cau 3. Ham s6 nao sau day dong bién trén R?
2 1
A. y=3. B. y=—+4. C. y=—x+5. D. y:§x+3.
x

@ Cau 4. Cho ham sb y =2x+ 1. Khang dinh nao sau day sai?

A. Tap xéc dinh cia ham s6 trén 1a 2=R.  B. Ham s6 da cho nghich bién trén R.

C. Ham s6 da cho dong bién trén R. D. Do thi ham s6 trén di qua diém (0;1).
@ Cau 5. D6 thi ham sb y = 3x +2 cét truc tung tai diém
2 2
A. (—g; ) B. (0;3). C. (0;2). D. (0;—5).

52]
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2. HAM SO BAC NHAT WGV: Doan Thinh

@ Cau 6. Puong thing (d): y = 2x + 1 vudng géc véi dudng thang
1 1
A. y=-2x+9. B. y:—§x+3. C. y:§x+4. D. y=2x-4.

@ Cau 7. Toa d6 giao diém cta hai do thi ham s6 y=2x—1vay=3x+21a
A. (-3;7). B. (3;11). C. (3;5). D. (-3;-7).

@ Cau8. Giatrichtahamsd y=4x+1taix=11a
A. 2 B. 5. C. 4. D. 6.
@ Cau 9. Ham s6 nao sau day di qua hai diém A(1;2) va B(0;-1)?
A, y=x+1. B. y=x-1. C. y=3x-1. D. y=-3x-1.

53] Suu tam va bién soan



2. HAM SO BAC NHAT WGV: Doan Thinh

2 1 N
@ Cau 10. Cho hai duong thang d;:y= Pl +100 va dg : y = —2x + 100. Trong cac ménh dé sau,

ménh dé nao diung?

A. dq va dg trung nhau. B. d; va ds cit nhau.
C. di va dg song song véi nhau. D. d; va dg vuong goéc véi nhau.

@ Cau 11 Ham s6 y = (m — 1)x +2m + 2 12 ham s6 bac nhat khi va chi khi
A. B. m>1. C. m<1. D. m #1.

@ Cau 12 Ham s6 y = (m — 1)x + m — 2 nghich bién trén R khi
A. B. m>1. C. m<1. D. m#1.

@ Cau 13. Heé sb géc ctia do thi ham sé y=2x-11a
A. 1. B. 1. C. 2. D.

DN | =

@ Ca u14 Ham s6 y = (-2 +m)x +3m dong bién trén R khi
A. B. m<2. C. m>2. D. m>-2.
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2. HAM SO BAC NHAT WGV: Doan Thinh

@ Cau 15. Gia tri nao cta % thi ham s6 y = (¢ — 1)x + & — 2 nghich bién trén tap xac dinh caa
ham so.
A. k<1, B. £>1. C. k<2 D. & >2.

@ Cau 16. Cho ham sby = ax + b(a #0). Ménh dé nao sau day la ding?
A. Ham s6 dong bién khi a > 0. B. Ham s6 dong bién khi a <0.

C. Ham s6 dong bién khi x > —é. D. Ham s6 dong bién khi x < —9.
a a

@ Cau 17. Véi gia tri nao cla a va b thi d6 thi ham s6 y = ax+b di qua cac diém A(-2; 1),
B(1;2)
A.a=-2vab=-1. B.a=2vab=1. C.a=1vab=1. D.a=-1vab=-1.

@ Cau 18. Phuong trinh dudng thing di qua hai diém A (-1; 2) va B(3; 1) la:
A —§+1 B —__x+z C —3_x+z D —_3_x+1
SR YT Ty YT Ty YT Ty Ty

155] Suu tam va bién soan



2. HAM SO BAC NHAT WGV: Doan Thinh

@ Cau 19. D6 thi ham sb y = ax + b ct truc hoanh tai diém x = 3 va di qua diém M (-2; 4) véi
cacgiatria, b la

1 1 1
A.a:§;b23. B. a=—;b=3. C.a=—=;b=-3. D.azg;b:—S.

. 1 1 N
@ Cau 20. Cho hai duong thang d;:y = P +100 va dg:y = —§x+ 100. Ménh dé nao sau day

dang?
A. dq va dg trung nhau. B. diva ds cit nhau va khéng vudng géc.
C. dyiva ds song song v6i nhau. D. diva ds vuong goc.

N . 2 > . N 2 N 3 N
@ Cau 21. Toa d6 giao diém ctia hai duong thang y=x+2va y= _Zx+3 la

4 18 4 18 4 18 4 18
A [57) B. (57 ¢ [-57) D. (7]

@ Cau 22. Puong thang di qua diém A(1;3) va song song véi duong thang (d): y=x+1 ¢c6
phuong trinh 1a
A. y=x-2. B. y=—x-2. C. y=—x+2. D. y=x+2.

° 2 1
@ Cau 23. Duong thang di qua M (-1;4) va vudng géc véi duong thang (d): y = —§x+2 co
phuong trinh la

Suu tam va bién soan
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A. y=2x+6. B. y=-2x+6. C. y=2x-6. D. y=-2x-6.

@ Cau 24. Tim ham s6 bac nhat di qua diém A(2;1) va song song véi duong thang y = 2x+3.
A. y=2x-3. B. y=-2x-2. C. y=2x+4. D. y=2x+2.

@ Cau 25. Piém nao sau day thudc d6 thi cia ham sb bac nhit c6 hé sb géc bang 2 va di qua
goc toa do6?
A. M(1;2). B. N(0;2). C. P(2;0). D. Q(0;2).

@ Cau 26. Trong cac do thi sau, do thi nao 1a d6 thi ctia ham s6 y =x—1?

y y Yy y
x
x x x
A. . B. . C. . D. .

@ Cau 27. Do thi nao sau day 1a do thi ctia ham s6 y =ax+b, véia #0

Suu tam va bién soan
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A . N A N ]- X . 13 . N A N ~
@ Cau 28. Chohai ham s6 y=2x+2va y= 5% + 3. D0 thi ctia hai ham s0 nay sé

A. vuong géc nhau. B. song song nhau. C. trung nhau. D. cit nhau.

@ Cau 29. Trong céc cip ham sb sau day, cap ham sb nao cé do thi 1a hai dudng thing song

song nhau
A. dl:y:%x—Z\/gvédgzyzgx+61_+2\>/§.
B. dl:y:%x+2\/§véd2:y:%x+61-:2\>/§.
C. d1:y:%x+2\/§véd2:y:§x+61-:2\>/§§.
D. dlzyz—%x+2\/§véd2:y:§x+61+_2\>/§§.

@ Cau 30. Goi M(a;b) 1a diém thudc dong thoi ca hai d6 thi cia cdc ham sé y =3x—1 va
y =4-5x. Khi d6, gia tri ciia tong a + b 1a

A -s. B. 2. c. 2. D. L.
2 2 4

Suu tam va bién soan
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3. HAM SO BAC HAI

YWGV: Doan Thinh

BAI3. HAM SO BAC HAI
@ TOM TAT LY THUYET
€) DINH NGHIA

I Pinh nghia 1. Ham s6 bac hai 12 ham s6 ¢6 dang y = ax? + bx +c(a #0).

€ sy BIEN THIEN

¥ TXD: D =R.
& Bang bién thién
b b
x —00 - +00 x —00 - +00
2a 2a
+00 +00 A
y \ / y 4a
(@a>0) A (@a<0) / \
_E —00 —0o0
. . P .2 R b . i R b\ . . ...
& Khi a >0 ham so6 dong bién trén —2—;+oo , nghich bién trén —00;— | va c6 gia tri
a a

p A
nhoé nhat 1a —— khi x = —i.
4a 2a 5 5
& Khi a <0 ham s6 dong bién trén (—oo;—z—), nghich bién trén (—2—;+oo) va ¢6 gia tri
a a
p A
16n nhat 1a —— khi x = —i.
4a 2a

€© DO

. X . N A A . X1~ 2 A A N » A ° N b A

& Khia >0 do thi ham so6 bac hai bé 16m hudéng 1én trén va c6 toa d6 dinh 1a 1 (—2—; Tl
a a
b A

& Khi a <0 do thi ham sb bac hai bé 16m huéng 1én trén va c6 toa do dinh 1a I (—2—; Tl
a’ 4a

TR R 2 b . 2o
& Do thi nhan dusng thang x = o lam truc doi xing.
a

Yy
b X
a
I x
AN
4a I
Hinh 1 Hinh 2

Suu tam va bién soan
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€) cAcDANG TOAN

7

(D Dang 1. Vé dé thj va 1ap béng bién thién cGa ham sé bac hai
& Téap xdc dinh D =R.
. A 32 b A P b
& Xdc dinh toa dé dinh I (——;——), truc doi xung x = ——.
] 2a° 4a 2a
& Bang bién thién.
& Ldp bdang gid tri (5 diém).
& Xdc dinh "chiéu quay” cia parabol va vé dudng cong qua 5 diém trén hé truc.
Vi du 1. V& do thi cac ham sb sau day
@D y=x2—-4x+1. ) y=-x2-2x+3.
Loi giai:
(D Dang 2. Xac dinh toa dé giao diém cuia parabol (P) : y = ax? + bx + ¢ V&i dudng
thang d:y=mx+n
Phwong phap giai.
& Lap phuong trinh hoanh do giao diém ax?+bx+c =mx+n.
™ Gidi phuong trinh, tim nghiém x,.
™ Thay cdc nghiém xqo vao mot trong hai ham so ban dau, tinh yj.
& Két ludn giao diém (xo;y0).
Vi du 1. X4c dinh toa do giao diém cta hai d6 thi ham s6 sau:
QD) y=x2+2x-3vay=2x+1. @ y=—-x®>-4x+1vay=—-x+3.

Loi giai:

................................................................................................
................................................................................................
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(3 Dang 3. Xdc dinh (P): y = ax? + bx + ¢ khi biét cdc yéu té lién quan
Phuong phap giai.
& Néu dé cho (P) qua diém (xo;y0) thi ta thay xo, yo vao ham sb.
A o b
& Néu dé cho hoanh dé dinh (hodc truc doi xiing) x = xo ta dude ~5g = X0
a
p N -A
& Néu dé cho tung doé dinh y =y, ta dudc ~ I = Yo
a
W Neéu dé cho toa do dinh I(xy;yo) thi ta dudc
R . 2o b
(&' Hoanh dé dinh ~5g = X0
a
& (x0;y0) € (P) nén ax% +bxy +c = yo.
(¢ Gidi phuong trinh én sé a, b, c.
Vi du 1. X4c dinh phuong trinh cta (P):y = —2x? + bx + ¢, biét (P)
(1) di qua hai diém M(0;-2) va N(2;0).
(2) ¢6 dinh I(1;3).
(3 di qua diém A(2;-3) va c6 hoanh d6 dinh x = 3.
(@) c6 truc do6i xing la x =2 va cat truc hoanh tai diém c6 hoanh d6 bang 2.

Loi giai:

................................................................................................
................................................................................................
................................................................................................

® 1V LUAN
@ Cau 1. Lap bang bién thién va vé d6 thi cac ham s6 sau

QD) y=x2-3x+2. 3) y=—x2-2x+3. B y=2x2 @ y=—-x2-2.
@) y = —2x2 + 4x. @ y=x2—-6x+8. ®) y = x2 — 4x. y=x2+1.

Suu tam va bién soan
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YWGV: Doan Thinh

@ Cau 2. X4c dinh toa d6 giao diém cta hai d6 thi ham s6 sau:
Q) y=3x-2va y=9x?-3x—1. 3) y=3xvay=x2—x+5.
2 y=-2x2-3x+2vay=2. @) y=x2—-4vay=4-x2

@ Cau 3. Xiac dinh phuong trinh Parabol c¢6 dang

DN o

1) y=ax?+bx+2 qua A(1;0) va truc ddi xing x =
) y=ax?+bx+3 qua A(-1;9) va truc déi xting x = -2.

@ Cau 4. Tim Parabol y = ax? + 3x — 2, biét rang Parabol d6
(1) Qua diém A(1;5).
(2) Cat truc Ox tai diém c6 hoanh d6 bang 2.
1 11
5 dinh I [-=;—==|.
@) C6 din ( - )

@ C6 truc d6i xting x = -3.

@ Cau 5. Xac dinh parabol P : y = ax? + bx + 2, biét rang P di qua diém M (1;5) va c¢6 truc dbi

: 1
xung la duong thang x = T

n L s PR 111y, ., )
@ Cau 6. X4c dinh parabol P :y =ax? +2x +c, biét rang I (5; ?) 1a dinh cta P.

Suu tam va bién soan
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@ Cau 7. Tim parabol P:y = ax?+bx+c, biét rang P di qua ba diém A (1;-1), B(2;3), C(-1;-3).

@® TRAC NGHIEM

@ Cau 1. Ham s6 y = x2 dong bién trén khoang

A. (0;+00). B. (—00;0). C. (—o0;+00). D. (-1;1).

@ Cau 2. Ham s6 y = —x2 + 4x + 5 nghich bién trén khoang
A. (1;+00). B. (—o0;-1). C. (—o0;+00). D. (2;+00).

@ Cau 3.
Ham s6 nao sau day c6 bang bién thién nhu hinh
vé bén?

A, y=—x2—-4x-9.

B. y=x?>+4x-5.

C. y=x?+4x-1.

D. y=x?+2x-5.

+00 +00

Suu tam va bién soan
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@ Cau 4. Ham s6 nao sau day dong bién trén khoang (—oo;3)?
A. y=x2-6x+5. B. y=x2—-4x+1. C. y=—x2-2x+3. D. y=—x?+8x-3.

@ Cau 5. Cho ham sb6 y = 2x2 — 2x + 3. Khang dinh nao sau day dung?
A. Ham s6 dong bién trén khoang (3;+00).  B. Ham s6 nghich bién trén khoang (0; +oo).
C. Ham s6 dong bién trén khoang (-o0;1).  D. D6 thi ham sb ¢6 toa do dinh 14 I(1;3).

e

Cau 6. Trong cac ham sb sau, ham s6 nao 14 ham s6 bac hai?
A. y=2x-1. B. y=|x|. C. y=2-x2 D. y=v2x2+x+5.

@ Cau 7. Trong cac ham s6 sau, ham s6 nao xac dinh trén R?
x 1
A. y=/x. B. y= C. y=—. D. y=-2x2+3x-1.
Va2

x2-1

@ Cau 8. Parabol y =ax? +bx+2 di qua hai diém M (1;5) va N (-2;8) c6 phuong trinh la:
A, y=x2+x+2. B. y=x2+2x+2. C. y=222+x+2. D. y=2x2+2x+2.
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@ Cau 9. Parabol y = ax?+bx+c di qua A (8;0) va c6 dinh A (6;-12) c6 phuong trinh la:

C3
A, y=x2-12x+96. B. y=2x2-24x+96. C. y=2x2-36x+96. D. y=23x?-36x+96.

@ Cau 10. Ham s6 y = 2x2 +4x — 1. Khi d6:
A. Ham s6 dong bién trén (—oo; —2)va nghich bién trén (—2;+oo).
B. Ham s6 nghich bién trén (—oo; —2)va dong bién trén (—2;+oo).
C. Ham s6 dong bién trén (-oo; —1)va nghich bién trén (—1;+o0).
D. Ham s6 nghich bién trén (—oo; —1)va dong bién trén (—1;+oo).

2(x+2)2+9 e s A
@ Cau 11. DPinh cta parabol y = (gc-k_# la diém nao sau day?
A. 1(-2;9). B. 1(2;9). C. 1(-2;3). D. 1(-2;-3).
@ Cau 12.
Bang bién thién & hinh bén cia ham s6 nao x —00 -2 +00

trong cac ham so sau?

A. y=x?+4x+5. 1

B. y=-x?-4x-3. Y / \

C. y=x2—4x-11. —00 —00
D. y=—x2—4x+1.

Suu tam va bién soan
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@ Cau 13. Hay lap bang bién thién ctia ham s6 y = x2 + 2x + 3.

x +00 1 +00
+00 +00
y \ /
6
x —00 1 +00
Yy

L

x +00 -1 +00
+00 +00
y \ /
2
X —00 -1 +00
y

L

@ Cau 14. Cho ham s6 y = ax? + bx + ¢ v6i a > 0. Ménh dé nao sau day ding?

A. Ham s6 da cho dong bién trén khoang (—oo; —%) va nghich bién trén khoang —%; +0o|.
B. Ham s6 da cho nghich bién trén khoang (—oo; —%) va dong bién trén khoang —%; +0o|.
C. Ham sb6 da cho dong bién trén khoang (—oo; —%) va nghich bién trén khoang —%; +0o|.
D. Ham sb da cho nghich bién trén khoang (—oo; —%) va dong bién trén khoang —%; +0o|.

@ Ca
A
C.

(P):y=x2+2x—1.
(P):y=x2-2x-1.

u 15. X4c dinh parabol (P):y = x% +ax — b, biét dinh ctia né 1a I(-1;-2).
B. (P):y=x2+2x+1.
D. (P):y=—-x?-2x—1.
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@ Cau 16. Xac dinh parabol (P): y = ax® + bx + 1, biét dinh cta né 1a I(2;-3).
A. (P):y=x2—4x+1. B. (P):y=x%+4x+1.
C. (P):y=—x2+4x+1. D. (P):y=x2+2x+1.

@ Cau 17. Puong thang 2x+1 =0 1a truc ddi xdng cta parabol (P) nao sau day?
A. (P):y=3x2+x-1. B. (P):y=2x2+x-1.
C. (P):iy=x2+x-1. D. (P):y=—x2+x—-1.

@ Cau 18. Xac dinh parabol (P): y = ax® + bx + ¢, biét dinh ctia né 1a I(-1;1) va cit truc hoanh
tai diém M(0;2).

A. (P):y=—x?+2x—-1. B. (P):y=x%-2x+2.

C. (P):y=-x%-2x+2. D. (P):y=x%+2x+2.

@ Cau 19. Xac dinh toa d6 dinh I va truc d6i xing ca d6 thi ham s y =2 —5x +4.
5 9 5 5 9 5 5 9 5 5 9 5
A I1(-2-0) x=-2. B. 1[2-2),x=-2. €. 1(-2;-2),x=2. D.1[2;-2),x=2.
( 2’ 4)’x 2 1(2’ 4)’x 5 © I( 2’ 4)’x 5 D I(z’ 4)’x 2
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[

Cau 20. D6 thi ctia ham sb nao sau day nhan truc tung lam truc déi xing?
A. y=x2-3x+2. B. y=2x%+4. C. y=3x2+2x. D. y=4x2—x+1.

@ Cau 21. Tim toa do tit ca cac giao diém ctia d6 thi ham s6 y =2x%2+3x+2 va y = 4x + 3.

A. (—%;1),(1;7). B. (—%;1),(—1;—1). C. (%;5),(1;7). D. (—%;—5),(1;1).

@ Cau 22. Tim toa d6 tat ca cac giao diém ctia d6 thi ham sb y = x2—5x+3 va y = 2x2+x+3.
A. (0;3),(-6;-15). B. (-6;69). C. (0;3),(-6;69). D. (0;3),(6,9).

@ Cau 23. Trong cac dudng parabol duéi day, dudng nao 1a d6 thi ciia ham sé y = x2—2x—1?

y y
1 I x
T > :O -1
-1 | 2
I I
A Hinh 1 B Hinh 2
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C. Hinh 3

@ Cau 24.
Puong parabol 6 hinh bén 14 d6 thi cia mot trong bén ham sé duéi day.
Ham s6 d6 1a ham sb nao?

A. y=2x2—-6x+3.

B. y=-2x2-6x+3.

C. y=2x?+6x+3.

D. y=-2x%+6x+3.

@ Cau 25. Tim gi4 tri nhé nhat ctia ham s6 y = 22 + 6x + 8.
A. -1. B. 1. C. 8. D. 9.

au 26. Tim gia tri 16n nhat cia ham s6 y = 1 - 4x —x2.
B. 5. C. -5. D. 4.
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@ Cau 27. Ham s6 y = x —x? dat gia tri 16n nhat tai gia tri nao cta x?

1 1 1 1
. xXx==. Cx==. Cx=—=. D. x=—-.
A. x 5 B. x 1 C. x 5 x=-7
@ Cau 28.
Puong parabol 6 hinh bén 1a do thi ctia ham s6 y = ax? + bx +c. Y s
Ménh dé nao dudi day sai? 1 + -- 7\
A. y<0, Vx € (—o00;1]U[3;+00). , x
B. Ham sb dat gia tri nhé nhat bang 1. 0 2
C. y>0,Vxe(1;3).
D. Ham s6 dat gia tri 16n nhat tai x = 2. 3
n e 1. 1z N £ 2
@ Cau 29. Tim gia tri nhé nhat y;, cia ham s6 y= ————.
1 1 6x —5— 9x2 1
A. ymin:_z- B. yminzg- C. ymin:_é- D. ymin:Z-
@ Cau 30. Tim gi4 tri nhé nhat ciia ham sb y = (x - 1)% + (x - 3)2.
A. 0 B. 2. C. 10. D. 4.
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YWGV: Doan Thinh

CHUONG 3/ PHUONG TRINH VA HE PHUGONG TRIN

BAI1. DAI CUONG VE PHUONG TRINH

@ TOM TAT LY THUYET
4)  DINH NGHIA PHUONG TRINH

Cho hai ham sb y = f(x) v& y = g(x) ¢6 tap xac dinh lan lugt 1a D¢ va Dg. Pat I = D¢ 0 Dg.
Ménh dé chita bién "f(x) = g(x)" dudc goi 12 phuong trinh mét an.
(1) x dudc goi 1a 4n s6 (hay 4n) va 2 goi la tap xac dinh ctia phuong trinh.

) xo € 2 goi la mot nghiém ctia phuong trinh f(x) = g(x) néu "f (xo) = g (x0)" 12 ménh dé
dung.

Chu y: Céac nghiém ctia phuong trinh f(x) = g(x) 1a cac hoanh d6 giao diém do thi
hai ham sb y = f(x) va y = g(x).

€) PHUONG TRINH TVONG DUONG, PHUONG TRINH HE QUA.

(1) Phuong trinh tuong duong: Hai phuong trinh fi(x) = g1(x) va fao(x) = go(x) dude

goi 1a tuong duong néu ching c6 cung tap nghiém.

& Ki hiéu 1a f1(x) = g1(x) & fa(x) = ga(x).

& Phép bién doi khong lam thay doi tap nghiém ctia phuong trinh goi 14 phép bién
doi tuong duong.

(2) Phuong trinh hé qua: f2(x) = ga(x) goi 1a phuong trinh hé qua ctia phuong trinh
f1(x) = g1(x) néu tap nghiém cta né chia tap nghiém cia phuong trinh f;(x) = g1(x).
™ Ki hiéu la fi(x) = g1(x) = fo(x) = go(x).

@ Phuong trinh hé qua cé thé cé thém nghiém khéng phai 1a nghiém ctia phuong
trinh ban dau. Ta goi d6 12 nghiém ngoai lai.

Mot sb dang thuong gap:

(1) Phuong trinh tuong duong.
W fx)=gx) o fx)+h(x)=gx)+h(x) Vx€D
¥ f(x)=gx) o f(x).h(x) = g(x).h(x) néu h(x) #0 véi moi x € 2
(2) Phuong trinh hé qua
flx)=gx)= f2(x) = g°(x) Vxe I

Khi giai phuong trinh ta can chu y:

& DPat diéu kién xac dinh(dkxd) ciia phuong trinh va khi tim dudc nghiém ctaa
phuong trinh phai d6i chiéu véi diéu kién xac dinh.

@ Néu hai vé ctia phuong trinh luén cung dau thi binh phuong hai vé ctia né ta thu
dudc phuong trinh tuong duong.

& Khi bién d6i phuong trinh thu dude phuong trinh hé qua thi khi tim dudc nghiém
ctia phuong trinh hé qua phai thi lai phuong trinh ban dau d€ loai bé nghiém
ngoai lai.
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€) CACDANG TOAN

(D Dang 1. Tim diéu kién xdc dinh cGa phuong trinh

Diéu kién xdc dinh ciia phuong trinh (goi tat la diéu kién ciia phuong trinh) la nhitng
diéu kién can cia dn x dé cdc biéu thic trong phuong trinh déu cé nghia.
Cac dang thuong gap:
& \/f(x) xdc dinh khi f(x)=0.
1
(&' —— xdc dinh khi f(x) #0.
f(x)

& xdc dinh khi f(x)> 0.

1
v/ f(x)

Vi du 1. Tim diéu kién xac dinh ctia phuong trinh sau:

@ x+ -1 @ 1+V2x—4=Vv2-4x
x2-4 — x+1
@1+v3—x:vx—2. 2% - :x2_3x+2
B3 1+v2x-3=V3x-2. (9 4x+V4x—3=2V3—4x+3.
@ \/4—2x:3L12. Va1 6x—9+x% =27
5 5 xi‘/__?’“ A1) VE+Va-2=V3-=.
P X
2_x—1 (12) \/(x-3)2(5-3x)+2x = V3x -5 +4

6) f+—\/3;_2: vVx—1

Loi giai:

................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
------------------------------------------------------------------------------------------------
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0O Dang 2. Phuong trinh trong duong, phuong trinh hé qué

(1) Phuong trinh tuong duong.
(@ f(x)=gx) e f(x)+h(x)=gx)+h(x) Yxe D
& f(x)=gx) o f(x).h(x) = g(x).h(x) néu h(x) #0 vdi moi x€ 2
(2) Phuong trinh hé qud
fx)=gx) = f2(x)=g*x) Vx€ 2

Vi du 1. Giai cac phuong trinh sau

@ 14— =5 ®) Va+1(x2-16)=0.
2-x 4-x% V3—x
@ 1+ 2% o 924 ® 23—’“:
= - x4—2x—3
xél xgi (4-x)(x+5) @ Vi-2= v 8.
©) 2x+m:x—2 V3x2-x-9=x-1.
2 1
@ i -V3-x.
3—x 3—x

................................................................................................

................................................................................................

Vi du 2. Xac dinh m dé cac cip phuong trinh sau day tuong duong véi nhau?
2
@) 2x-3=0va i’zc+2m+1:o.
x —
@ x2-4=0va3x®+(m+3)x+Tm+9=0.

N, * 2 e
C1 glai:
.
................................................................................................
................................................................................................
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() 71U LUAN
@ Cau 1. Tim diéu kién xac dinh ctia méi phuong trinh va giai phuong trinh dé:
5 5 2 2
3x + =12+ ——. 3x+——=15+ .
@ 3z xI4 xI4 @ 3x x§5 3 x—5
X
5x + =15+ ——. 2x + = .
@ 5z x-1|-3 x+3 ® 2 xl—l 2x—%
2 =
- —9-—, + = :
Ok x—1 x—1 ® « x—2 x-2

au 2. Tim diéu kién xac dinh cta mdi phuong trinh va giai phuong trinh d6:

eC
@ 1+V1-x=Vx-2. @ vVx—-1=1-x.
@ Vi+1l=v2-x @ X _ 3
B Ve+l=x+1. x—1 x—1

® x2-V1-x=vx-2+3.

@ Cau 3. Tim diéu kién xac dinh cia méi phudng trinh va giai phuong trinh dé:

@ Vx—3(x2-3x+2)=0. x2 -4 _x+3 N
@ Vx+1(x*-x-2)=0. ® Verl vaxi © b
3) X 1 Y @(x2+x—2)\/x+3:0.
Vx—2 Vx-2 ' @ X _ 2 '
2vx—3 Vx-3

@ Cau 4. Tim m dé ciap phuong trinh sau tuong duong
@) 3x+2=0va(m+3)x-m+4=0

Suu tam va bién soan
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@ x+2=0vam(x®+3x+2)+m?x+2=0

@® TRAC NGHIEM

@ Cau 1. Tim diéu kién x4c dinh ctia phuong trinh x + — =1
x f—
A. x#0. B. x #+2. C. x#-2. D. x#2.

@ Cau 2. Tim diéu kién xac dinh ctia phuong trinh 1+v3-x = vx -2
A. 2<x<3. B. 2<x=<3. C. x=<3. D. x=2.

@ Cau 3. Tim diéu kién xac dinh ctia phuong trinh 1+ v2x-3=13x-2

A.x<§, B.xzé. C.ng D.x2§,
2 4 2 5
@ Cau 4. Tim diéu kién x4c dinh ctia phuong trinh v4—2x = 3x;rl+2
x°® —3x
x<2 x<4 x<2 <3
A. {x?ﬁ_l B. {x;él C. {x¢1 D. {x;él

Suu tam va bién soan



1. DAI CUONG VE PHUONG TRINH WGV: Doan Thinh

@ Cau 5. Tim diéu kién xac dinh ctia phuong trinh poEp x
Xe—X—
x=3
1+v5
A, x=2. B. xe€@. C. {x#1, D. x # 2\/_.
x#2
@ Cau 6. Tim diéu kién xac dinh ctia phuong trinh 1+ vx—-2=vx -1
x=3
1+v5
A. x=2. B. xeo. C. {x#1, D. x# 2\/_.
XxX#£2
A 1A s . . +1
@ Cau 7. Tim diéu kién x4c dinh ctia phuong trinh v2x -6 = ﬁ
X~ —oX
x=3
1+v5
A, x=2. B. xe€@. C. {x#1, D. x # 2\/_.
x#2
X . P N 1 \/4_3 <
@ Cau 8. Diéu kién ctia phuong trinh x + 2 — = Y a:
Vx+2 x+1
A. x>-2vax#-1. B. x>—2véx<§.
4
C. x>—2,x7é—lvéx5§. D. x#-2vax#-1.

Suu tam va bién soan
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n N  a . s . . 1 3—-2x ..
@ Cau 9. Diéu kién xac dinh ctia phuong trinh x + = * a:
V2x+4 x
N . 3
A. x>-2vax#0. B.x>—2,x#0vax§§.
. 3 L .
C. x>-2vax< 5 D. DPap an khac.
6

" . % A . L . 1
@ Cau 10. Tim so nghiém ctia cac phuong trinh 1+ Tt
—x 4-x

A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. V6 nghiém.
¢ Cau 11. Tim sb nghiém cfia céc phuong trinh —— 1 3
. = -V3-x
= e PREnE IR Va=x  VB-»
A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. V6 nghiém.

@ Cau 12. Tim s6 nghiém cta cac phuong trinh vx + 1(x? - 16) =0
A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. V6 nghiém.

Suu tam va bién soan
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£ V33—
@ Cau 13. Tim so nghiém ctia cac phuong trinh Txg =
X° — 22X —
A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. V6 nghiém.
" N . . . . 2x 3 .
@ Cau 14. Tap x4ac dinh ctia phuong trinh -5=——1a:
x2+1 x2+1
A. 2=R\{1}. B. 2=R\{-1}. C. =R\ {zx1}. D. 2=R.

@ Cau 15. Tap x4c dinh ctia phuong trinh vx -1+ vx-2 = Vx -3 la:
A. (3;+00). B. [2;+00). C. [1;+00). D. [3;+00).

x2+5

@ Cau 16. Piéu kién xac dinh cta phuong trinh vx -2+ =0 la:
Vi—x
A. x=2. B. x<7. C. 2<x<T. D. 2<x<T7.
N 1
@ Cau 17. Diéu kién xac dinh ciia phuong trinh — = Vast 3 1a:
2 —
A. (1;+00). B. [-3;+00). C. [-3;+00) \ {£1}. D. DPap an khac.

Suu tam va bién soan
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YWGV: Doan Thinh

N 1
@ Cau 18. Diéu kién cia phuong trinh 7 +vx2-1=0Ila:
X

A. x>0. B. x>0. C. x>0vax?-120. D.x>0vax®-1>0.

@ Cau 19. Didu kién xéc dinh ciia phuong trinh — =2 5~ 22’“ la:
x— X =

A. x=1vax#2. B. x>1vax#2. C.1<xsgvéx7£2 D 15xsg
@ Cau 0 T4p nghiém ctia phuong trinh vx2 —2x = v2x — x2 1a:

A. T ={0}. B. T=0. C. T ={0;2}. ={2}.
@ Cau 21. Tap nghiém ctia phuong trinh £ =y/—x la:

A. S={0}. B. S=2. C. S={1}. D. S={-1}.
@ Cau 22. Hai phuong trinh dudc goi la tuong duong khi:

A. C6 cung dang phuong trinh. B. C6 cung tap xac dinh.

Suu tam va bién soan
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C. Co6 cung tap hop nghiém. D. C6 cung mét nghiém.

@ Cau 23. Trong cac khang dinh sau, phép bién d6i nao 1a tuong duong:

A 3x+Vx—2=x>3x=22-Vx-2. B. Vx-1=3x©x—1=9x2.
C. 3x+vVx—-2=x2+Vx—2 o 3x=x2. D. DPap an khac.
@ Cau 24. Phuong trinh (x% + 1) (x1)(x + 1) = 0 tuong dudng véi phuong trinh:
A. x-1=0. B. x+1=0. C. x2+1=0. D. (x-1D(x+1)=0.

@ Cau 25. Phuong trinh x? = 3x tudng dudng véi phuong trinh:

1 1
A, x2+Vx-2=3x+Vx—-2. B. x2+—3:3x+ 3
x— x—
C. x2V/x-3=3xvVx-3. D. 2+Vx2+1=8x+Vx2+1.

@ Cau 26. Phuong trinh (x—4)% = x — 2 12 phuong trinh hé qua ctia phuong trinh ndo sau
day
A x—-4=x-2. B. Vx-2=x-4. C. Vx—-4=vx-2. D. vx-4=x-2.
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@ Cau 27. Cho phuong trinh 2x? —x = 0 (1). Trong cidc phuong trinh sau day, phuong trinh
nao khong phai la hé qua caa phuong trinh (1)?

A. 2x-——=0. B. 423 -x=0. C. (2x2-x)*=0. D. x2-2x+1=0.
—X

@ Cau 28. Phuong trinh x? = 3x tuong duong véi phlIdng trinh:

1

A, 22+vVx-2=8x+Vx-2.

C. x2Vx-3=3xvx-3. D. x2 +\/ 3x+\/
@ Cau 29. Khing dinh nao sau day sai?

-1
A Vi-2=1>x-2=1. x((x 1)):1¢>x:1.
x_

C. 13x-2|=x-3=>8x2-4x-5=0. D. Vx-3=v9-2x=3x-12=0.
@ Cau 30. Phuong trinh sau c¢6 bao nhiéu nghiém vx -2 =2 -x.

A. B. 1. C. 2. D. v6 sb

Suu tam va bién soan
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9. PHUONG TRINH QUY VE PHUONG TRINH BAC NHAT, BAC HAI WGV: Doan Thinh

BAI2. PHUONG TRINH QUY VE PHUONG TRINH
BAC NHAT, BAC HAI

@ TOMTAT LY THUYET
4) PHUONG TRINH BAC NHAT MOT AN

(D Pinh nghia: Phuong trinh bac nh4t mét 4n 14 phuong trinh c6 dang ax +b = 0 véi
a,b 1a sb thuc va a #0.
(2) Giai va bién luan phuong trinh ax+b =0 (1)

€ Néua#0:(1)ox= 2 do d6 phuong trinh cé nghiém duy nhat x = —é.
a a

(¢ Néu a = 0: phuong trinh (1) tré thanh 0x +5 =0.
— TH1: Véi b = 0 phuong trinh nghiém dang v6i moi x € R.
— TH2: Vé6i b # 0 phuong trinh v6 nghiém.

Q PHUONG TRINH BAC HAI MOT AN

(1 Pinh nghia: Phuong trinh bac hai moét 4n 1a phuong trinh c6 dang ax®+bx+c =0
Vv6i a, b, ¢ 12 sb thuc va a #0.
(2) Giai va bién luan phuong trinh ax?+bx+c =0 (1)
(¢ Néu a = 0: tré vé giai va bién luan phuong trinh dang (1)
(¢ Néua#0: A=b%—4ac
-b+

|5

— TH1: A> 0 phuong trinh ¢6 hai nghiém phan biét x =

2a
— TH2: A =0 phuong trinh c6 nghiém kép x = —zi
a
— THS3: A <0 phuong trinh v6 nghiém.

€) DINH LY VIET VA UNG DUNG

(1 Dinh 1li Vi - ét.
Hai sb x1 va x2 14 cac nghiém ctia phuong trinh bac hai ax? + bx + ¢ = 0 khi va chi khi
. , ~ . . c
chiung théa man hé thic x; +xg = - va x1x9 = .
2 Ung dung.
(¢ Nham nghiém ctia phuong trinh bac hai
(¢ Phan tich thanh nhan ti: Néu da thic f(x) = ax? + bx + ¢ ¢6 hai nghiém x; va x»
thi né6 c6 thé phan tich thanh nhan ti £(x) = a (x — x1)(x — x2).
(¢ Tim hai s6 khi biét téng va tich cta ching: Néu hai s6 ¢6 tong 1a S va tich 1a P
thi chting 1a nghiém ctia phuong trinh x%2 —Sx+ P =0.
(& Xét dau cua cac nghiém phuong trinh bac hai:
Cho phuong trinh bac hai ax? +bx+c¢ =0 (a #0) (), ki hiéu S = —S,P = 2 khi d6

— Phuong trinh (%) ¢6 hai nghiém trai dau khi va chi khi P <0

Suu tam va bién soan
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A>0
— Phuong trinh (*) ¢6 hai nghiém dudng phan biét khi va chi khi< P >0
S>0
A>0
— Phuong trinh (+) ¢6 hai nghiém am phan biét khi va chi khi { P >0
S$<0

€) PHUONG TRINH QUY VE BAC NHAT VA BAC HAI

(D Phuong trinh chita 4n trong diu gia tri tuyét doi.
Phuong phap giai.

f(x)=0
{f(x) —g(®) ¢ g(x)=0
& 1f (0l = g() < &1 [f@) =g
f(x)<0 st
—f(x)=g(x)
@ 170 = gl <> [F@P = (g & |70 78
[f(x) = —g(x)

2 Phuong trinh chita 4n 6 mau.
Phuong phap giai.
@ Quy dong mau s6 (chi ¥ can dit diéu kién mau sb khac khong).
& Dit an phu.
(3 Phuong trinh chita 4n trong cin bac hai.
Phuong phap giai.

& @ =gk o {f () = (g

gx)=0
fx)=g(x)
7 Jfx)=+/
¥ Vi guﬁ@{fuozmlmyguﬂzm

t=+/f(x),t=0
at?+bt+c=0

4 af(x)+b\/f(x)+c:0©{
™ /fx)+/g(x)=h(x)

— Patu=/f(x),v=g(x) v6i u,v=0.
— Pua phuong trinh trén vé hé phuong trinh véi hai 4n 12 u va v.
™ /@) ++/g)+/flx).g(x) = h(x)
bat¢t=./f(x)+/g(x),t=0.
(4) Phuong trinh trung phuong.
Phuong phap giai.

t=x2¢>0

at’+bt+c=0

ax4+bx2+c:0©{

Suu tam va bién soan
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€©) CACDANG TOAN

(D Dang 1. Gidi va bién luan phuong trinh bac nhét y = ax+b
> A b ~ [N - <A A b
(&' Néeu a #0: (1) © x=—— do dé phuong trinh cé nghiém duy nhat x = ——.
a a
(&' Néu a =0: phuong trinh (1) tré thanh 0x+b = 0.
— TH1: V6i b =0 phuong trinh nghiém dung véi moi x € R.
— TH2: V6i b # 0 phuong trinh vé nghiém.
Vi du 1. Giai va bién luan phuong trinh (m? - 3)x — 2m? = x —4m theo tham s6 m.
Loi giai:
(O Dang 2. Gidi va bién luén phuong trinh bac hai ax? + bx+¢=0 ‘
@ Néu a =0: tré vé gidi va bién ludn phuong trinh dang (1)
(& Néu a#0: A=b%2—4ac
o .. —bxVA
— THI1: A>0 phuong trinh co hai nghiém phdan biét x = ————.
a
. , b
— TH2: A =0 phuong trinh co nghiém kép x = o
a
— TH3: A <0 phuong trinh vb nghiém.
Vi du 1. Giai va bién luan phuong trinh (2m? +5m +2)x? — 4mx +2 = 0 theo tham sb
m.

Loi giai:

................................................................................................
................................................................................................

Suu tam va bién soan
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(O Dang 3. Bién luén theo m c¢6 ap dung dinh i Viet

Hai s6 x1 va x9 la cdc nghiém ctia phuong trinh bdc hai ax?+bx +c = 0 khi va chi khi
. R b . g
chiing théa man hé thic x1 +x9 = —— va x1x2 = —.
a a

Vi du 1. Cho phuong trinh x% — 2mx —4 = 0 ¢6 hai nghiém phan biét x1,xs. Tinh theo
m gid tri chia cac biéu thic sau:

@A:x%+x§. @B:x‘;’+xg.

N, * 2 e
CO1 glai:
.
................................................................................................

Vi du 2. Cho phuong trinh x2 - 2(m — 1)x + m? —4m +3 = 0. Tim m dé phuong trinh
(@) c6 hai nghiém trai dau.
(2) ¢6 hai nghiém duong phan biét.

(3 Dang 4. Phuong trinh chita én trong ddu gid tri tuyét déi

{f(x)zO

f(x)=g(x)
] )= gx)

{}i(;)(;i () A

gx)=0
& 1) = glx) =

[ f(x) = g(x)

& 1) = g <> [F@1 = [g0]? <>
f(x)=-g(x)

Vi du 1. Giai phuong trinh: [2x+ 1] = |x® - 3x — 4].

N, e 2
C1 glai:
.
................................................................................................

................................................................................................

Vi du 2. Giai phuong trinh: [3x —2| =3 - 2x.

Loi giai:

Suu tam va bién soan
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............................................................................

............................................................................

............................................................................

....................

....................

....................

[ Dang 5. Phuong trinh chita én & méu.

™ Quy dong méu sb (chi y can dat diéu kién mdu sé khdc khéng).
& Ddt én phu.

1—6x+9x+4_x(3x—2)+1
x—2 x+2 @ x2-4

Vi du 1. Giai phuong trinh

Loi giai:

............................................................................

............................................................................

............................................................................

............................................................................

............................................................................

....................

....................

....................

....................

....................

(3 Dang 6. Phuong trinh chira &n trong cén béc hai

gx)=0

f(x)=g(x)
v =
& Vi Vg(x)é{f(x)zO( hay g(x) = 0)

t=+/f(x),t=0
at? +bt+c=0

_ 2
& /T =gt o {f(x) = [g(x)]

4 af(x)+b\/f(x)+c:0<:>{
™ /f(x)+/g(x)=h(x)

— Dat u=+/f(x),v=_g(x)véi u,v=0.

& /@) +\/gl)+\/f(x).g(x) = h(x)

Dat t=+/f(x)++/gx),t=0.

— Dua phuong trinh trén vé hé phuong trinh véi hai 6n la u va v.

Vi du 1. Giai phuong trinh:vx2-2x-4=v2-x.

Loi giai:

............................................................................

............................................................................

............................................................................

....................

....................

....................
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Vi du 2. Giai phuong trinh:vx2 —6x+6 =2x—1.

Loi giai:

................................................................................................

Loi giai:

................................................................................................

(O Dang 7. Phurong trinh tring phuong. |
4 .o t=x%t=0
ax*+bx“+c=0< 9
at“+bt+c=0
Vi du 1. Giai phuong trinh x* -3x%+2=0.

Lai giai:

................................................................................................

® 1V LUAN

@ Cau 1. Giai va bién luan phuong trinh sau véi m 1a tham sé.

@D m-1Dx+2-m=0 @ 2m-4)x+2-m=0
@ m(mx—-1)=9x+3 @ m+Dx=Bm2-1x+m-1
B) m+1)%x=Bm+Nx+2+m ® (m-3)x—2+m=0

Suu tam va bién soan
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@ Cau 2. Tim m dé phuong trinh sau ¢6 nghiém duy nhét.

@) (m?2-m)x=2x+m?-1. (2 m@mx—3m+2)=x(m+1).

@ Cau 3. Giai va bién luan phuong trinh sau véi m 1a tham sé.

@ 2x®-6x+3m-5=0 ® (2m%+5m+2)x*—4mx+2=0
@ x®>-x+m=0 ® m-2)x2-2(m+1x+m-5=0
3) x2-3x+4m=0 @ m-2)2>-2m—-1Dx+m+2=0
@ (m+1)x2-2mx+m—-2=0 m+1)x2-2m+1x+m-2=0

@ Cau 4. Tim m dé phuong trinh mx2+x+m+1=0

(1) Cé nghiém kép. (2) Cé6 hai nghiém phan biét.

@ Cau 5. Tim m dé phuong trinh x% —9x + m = 0 ¢6 mot nghiém 1a —3. Khi dé tim nghiém con
lai.
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@ Cau 6. Cho phuong trinh x2-(m +5)x—-m+6=0 (1).
(1) Tim m d& phuong trinh (1) ¢6 hai nghiém trai dau.
(2 Tim m dé phuong trinh (1) c6 mét nghiém x = —2. Tim nghiém con lai.
(3 Tim m d€ phuong trinh (1) ¢6 hai nghiém phén biét x;,x9 théa mén x? +x3 = 13.

@ Cau 7. Tim nghiém ctia cac phuong trinh sau

@ 12x+11=|x® - 3x—4]. (11) x—v2x-5=4.
@) 18x-2/=3-2x. 12) v2x+1=3x+1.

@) |x®—4x-5|=4x—17
@ |3x—2|=x%+2x+3.

@ Vad —x = VAx + 4.

® |x3-1|=|x2-3x+2|. Vat+3x+1=vVat-a2-1.
® 2x+1:x+1. @ V2x+V6xZ+1=x+1.
f“Qg =2 50 2vx+3=922—x—4.
Q +x§2_951+32_(2—x)(x+3)' @x2+\/x+7:7.
= (18) 224~ Tx® +5=0.
(x+1) (2x—-1) 4 2
@ Il Eol_ 2w+l (19) x*-5x>+4=0.
x+2 x-2 x+1° (20) x*-13x%+36=0.

VaZ+2x+4=v2—-x.

@® TRAC NGHIEM

@ Cau 1 Cho phuong trinh ax + b = 0. Chon ménh dé dung.
A. Neu phuong trinh c¢6 nghiém thi a khac 0.
B. Néu phuong trinh v6 nghiém thi a =0.
C. Néu phudng trinh v6 nghiém thi b = 0.
D. Néu phuong trinh c6 nghiém thi b khac 0.
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@ Cau 2. Tim m dé phuong trinh(m?2 - 9)x = 3m(m - 3) (1) c6 nghiém duy nhéat
A. m=3. B. m=-3. C. m=0. D. m#-3vam#3.

@ Cau 3. Phuong trinh (m? —4m +3)x = m? - 3m + 2 ¢6 nghiém duy nhat khi
A. m#1. B. m #3. C. m#Z1vam#3. D. m=1vam=3.

@ Cau 4. Phuong trinh (m?2-2m)x =m?-3m +2 ¢6 nghiém khi
A. m=0. B. m=2. C. m#0vam#2. D. m #0.

@ Cau 5. Phuong trinh m?2x + 6 = 4x + 3m. Phuong trinh c¢6 nghiém khi
A. m#2. B. m#-2. C. m#2vam#-2. D. Vm.

@ Cau 6. Phuong trinh ax+b =0 c¢6 tap nghiém la R khi va chi khi
A. a#0. B. a=0. C. b=0. D. a=0vab=0.
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2. PHUONG TRINH QUY VE PHUONG TRINH BAC NHAT, BAC HAI WGV: Doan Thinh

@ Cau 7. Phuong trinh ax? + bx + ¢ =0 ¢6 nghiém duy nhéat khi va chi khi

0 =0
A. a=0. B. {a;é hoac {a .
A=0 b#0
0
C. a=b=0. D. {a;é .
A=0

@ Cau 8. Phuong trinh x2 - (2+v3)x +2v3=0

A. C6 2 nghiém trai dau. B. C6 2 nghiém am phéan biét.
C. Co6 2 nghiém dudng phéan biét. D. V6 nghiém.

@ Cau 9. Phuong trinh x2 + m = 0 c6 nghiém khi va chi khi
A. m>0. B. m<O. C. m=o0.

@ Cau 10. Phuong trinh (m - 1)x? + 3x — 1 = 0. Phuong trinh c6 nghiém khi
A.mz—i B.ms—é C.m:—é. D.mzi
4 4 4 4
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@ Cau 11. Véi gia tri nao cia m thi phuong trinh: mx? +2(m —2)x+m -3 =0 c¢6 2 nghiém phan
biat?
A. m<4. B. m<A4. C. m<4vam#0. D. m#0.

@ Cau 12. Cho phuong trinh: mx? — 2(m + 2)x + m — 1 = 0. Phuong trinh c¢6 hai nghiém phan
biét khi va chi khi tham s6 m théa diéu kién:
4

4 4
A.m<—gvém7£0. B. m #0. C.m<—g. D.m>—gv€1m¢0.

@ Cau 13. Cho phuong trinh (m + 1)x%2 —6(m + 1)x +2m +3 = 0 (1). V6i gia tri ndo sau day cua m
thi phuong trinh (1) ¢6 nghiém kép?

A.m:z. B.m:—g. C.m:§. D. m=-1.
6 7 7

@ Cau 14. Cho phuong trinh mx?—2(m +1)x+m+1= 0. V6i gi4 tri nao ctia m thi phuong trinh
¢6 nghiém duy nhét?

A. m=1. B. m=0.

C. m=0vam=-1. D. m=0hoacm=-1.
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@ Cau 15. Phuong trinh (m —2)x% + 2x — 1 =0 c6 diung 1 nghiém khi va chi khi:
A. m=0vam=2. B. m=1hoacm=2. C. m=-2vam=3. D.m=2.

@ Cau 16. Véi gia tri nao cia m thi phuong trinh 2(x% - 1) = x(mx + 1) ¢6 nghiém duy nhéat:
17 . 17
A.mz;. B.m:2hoacm:§.
C. m=2. D. m=0.
@ Cau 17. Pé hai d6 thi y = —x?-2x+3 va y = 22— m ¢6 hai diém chung thi:
A. m=-3,5. B. m<-3,5. C. m>-3,. D. m>-3,5.

@ Cau 18. Nghiém cua phuong trinh x2 —3x +5 =0 c¢6 thé xem 12 hoanh d6 giao diém cta hai
d6 thi ham sb:

A. y=x2vay=-3x+5. B. y=x>vay=-3x-5.

C. y=x®>vay=3x-5. D. y=x?va y=3x+5.

@ Cau 19. V2 va V3 1a hai nghiém cta phuong trinh:
A. x2—(vV2-v3)x-v6=0. B. x2-(vV/2+V3)x+v6=0.
C. x>+ (vV2+V3)x+v6=0. D. x2-(v/2-v3)x—-v6=0.
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u 20. Goi x1,xs 12 cac nghiém ctia phudng trinh x%-3x—1=0. Ta c6 tong x? +x2 bing
8 B. 9. C. 10. D. 11.

@ Cau 21. Goi x1,x2 12 2 nghiém ctia phuong trinh 2x2 —4x—1 = 0. Khi d6, gia tri caa T =
lcg —x2] 12

A. V2. B. 2. C. V6. D. 4.

— _2 .
@ Cau 22. Phuong trinh = ad - ¢6 nghiém duy nhét khi
X X —
A. m#0. B. m#-1. C. m#Z0vam#-1. D. Khong c6 m.

A p iAo, 0 < +1 +
@ Cau 23. Cé6 bao nhiéu gia tri ciia m dé phuong trinh: x—2 _z +1721
X — X

A. 0. B. 1. C. 2. D. Két qua khac.

=m c6 dung 1 nghiém?
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@ Cau 24. Tap nghiém ctia phuong trinh: |x — 2| = |3x — 5| (1) 12 tap hop nao sau day ?

37 37 7 3 73
A {3t B {-3igh c. {-3-3h D. {-5i5}

@ Cau 25. Tap nghiém ctia phuong trinh: |x - 2| =2x -1 1a:
A. S={-1;1}. B. S={-1}. C. S={1}. D. S ={0}.

@ Cau 26. Phuong trinh —x* +(v/2 - v/3)x2 =0 c6:
A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. 4 nghiém.

u 27. Phuong trinh sau day c6 bao nhiéu nghiém am: x* — 2005x2 — 13 = 0?
. 0. B. 1. C. 2. D. 3.

u 28. Phuong trinh sau day cé bao nhiéu nghiém: x* + 1999x2 + 13 = 0?
. 0. B. 1. C. 2. D. 4.
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@ Cau 29. Phuong trinh x* —2020x2 + 2019 = 0 ¢6 bao nhiéu nghiém:
A. 2 B. 3. C. 4. D. Vo sb.

) ) 2 _4x-2
@ Cau 30. So nghiém ctia bat phuong trinh Yo s vx—-2la
Vx—2
A. 2. B. 1. C. 0. D. 3.

@ Cau 31. Tim m dé phuong trinh (m24)x = m(m +2) ¢6 tap nghiém la R:

Ch
A. m=2. B. m=-2. C. m=0. D. m#-2vam#2.

@ Cau 32. Tap nghiém ctia phuong trinh 2x +

1
as-lill msem sl b

@ Cau 33. Phuong trinh|ax + b| = |cx + d| tuong duong véi phuong trinh:
A. ax+b=cx+d. B. ax+b=—-(cx+d).
C. ax+b=cx+d hay ax+b =—(cx+d). D. Vax+b=Vex+d.
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@ Cau 34. Phuong trinh|2x — 4| — 2x + 4 = 0 ¢6 bao nhiéu nghiém?
A. 0 B. 1. C. 2. D. Vo sb.

@ Cau 385. S6 nghiém ctia phuong trinh vx—4(x?-3x+2)=01a
A. o. B. 1. C. 2. D. 3.

@ Cau 36. Phuong trinh—x* + (v2-v/3)x% =0 c6:
A. 1 nghiém. B. 2 nghiém. C. 3 nghiém. D. 4 nghiém.
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3. PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN WGV: Doan Thinh

BAI3. PHUONG TRINH VA HE PHUONG TRINH BAC
NHAT NHIEU AN

@ TOM TAT LY THUYET

0 HE HAI PHUONG TRINH BAC NHAT HAI AN.

DPinh nghia 1. Hé phuong trinh bac nhét hai 4n 1 hé phuong trinh c6 dang

aix bly—cl 9 9 9 9
a7+b7#0,a5+b5#0
{an bzy_CQ( 1 1 2 2 )

& Trong d6 x, y 1a hai 4n; cac chit s6 con lai 1a hé sb.

& Néu cép s6 (xo; o) dong thoi 1a nghiém ctia ca hai phuong trinh ctia hé thi (xo; yo) dudc
goi la mot nghiém cua hé phuong trinh.

& Giai hé phuong trinh la tim tap nghiém cta né.

& Chu y: Dé giai hé phuong trinh bac nhat hai 4n ta c¢6 thé dung cac cach giai da biét
nhu: phuong phap thé, phuong phép cong dai sé.

Vi du 1. Giai cac hé phuong trinh sau:
@ {Zx—Syzl 2Vx+5++/y-8=11
x+4y=6 5Vxt5-4,/y-8=8
—4y = 10 1
Xx—y= X—y xT)y
@ 25 3 )
+ =2
dx—y x+y

Loi giai:

................................................................................................

Q HE PHUONG TRINH BAC NHAT BA AN.

DPinh nghia 2. Phuong trinh bac nhat ba 4n c¢6 dang téng quat 1a ax+ by + cz = d. trong
dé x,y,z 1a ba 4n; a,b,c,d 12 cac hé s6 va a,b,c khong dong thoi bang Hé phudng trinh bac
nhat ba 4n c6 dang tong quat 1a

aix+biy+ciz=d;
asx+boy+coz=do

asx+bgy+csz=ds
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3. PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN WGV: Doén Thinh

& Trong d6 x,y,z 1a ba 4n; cac chit con lai 1a cac hé so.

& Mbi bo ba s6 xo,y0,20 nghiém ding ctia ba phuong trinh ctia hé dudc goi 1a mét nghiém

cua hé phuong trinh.

Nhan xét: Nguyén tac chung dé giai cac hé phuong trinh nhiéu 4n 1a khit b6t 4n dé
dua vé cac phuong trinh hay hé phuong trinh c6 s6 an it hon. Dé khit bét an, ta cling
c6 thé dung cac phuong phap cong dai so, phuong phéap thé nhu doi véi hé phuong

trinh bac nhat hai 4n.

You

Vi du 2. Giai hé phuong trinh

x—y+z=3 x+2y—3z=2
@ {2x+y+2=-3 . 2 {x-38y+z=5 .
2x+2y+z=-2 x—by=1
Loi giai:
® 1V LUAN
@ Cau 1. Tim nghiém ctia ciac hé phuong trinh sau
@ {5x—4y:3 @ {2x+y:11 Vox+4y=-1 V3x—y=1
Tx-9y=38 dx—4y=8 2x+4v2y =5 5x+v2y=v3
@ Cau 2. Tim nghiém ctia cac hé phuong trinh sau
®{(x+3)y—5):xy @ lx—y|=v2 3(x+y)__7
(x—=2)(y+5)=xy 2x—y=-1 x-y
® 5x—y_§
y—x 3
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3. PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN WGV: Doan Thinh

@ Cau 3. Tim nghiém ctia ciac hé phuong trinh sau

6,5 3 6x-3 2y _ 2x—5y+z=10
x oy y—-1 x+1 B {x+2y-32=10
® Y9 10 @ ir-2 4y +
=1 T 1= -x+3y+2z=-16
x oy y-1 x4 2x+5y+z=8
6 .2 _. @ [2le-6l3lyel=5 x2y32 .
@ 4 x—2y x+2y Blx—6l—4ly+1]=1 ®) {x+2y-3z=
3 N 4 x—y+2z=2
x—2y x+2y_
@ Cau 4. Tim nghiém ctia ciac hé phuong trinh sau
3x+y-3z=1 x+3y+22=8 g+§+§:1
@ x—y+2z=2 @<2x+y+z:6 x y z
1 1 3 2
—x+2y+2z=3 3x+y+z=6 ®<———+—:§
x+2y—-3z=2 x—=3y+2z=-7 xlylzz 1
- = - = ——+—+—-==
@{x 3y+z=5 (B) { —2x+4y+32z=8 x y 2 6
x—by=1 3x+y—2z=5 x+1 2 3
+2-2=-11
x+y—-z=1 x+y+z=11 x y =z
_ — _ - 2 2y+4 1
@+2x y+2z=5 ® {2x-y+z=5 ® {=- Y Z=—_7
x—2y-32=0 3x+2y+z=24 X Y z
3 1 -2-z
-——+—+ =-6
Xy z

@ Cau 5. Mot bai kiém tra c6 15 cau héi. Méi cau tra 18i dung dudc cong 5 diém. Mbi cau tra
18i sai hodc bé trong bi trit 5 diém. Mot hoc sinh 1am bai kiém tra va dat 25 diém. Héi ban d6

da tra loi dung bao nhiéu cau?
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3. PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN WGV: Doan Thinh

@ Cau 6. C6 2 loai xe khach (loai I va loai IT). Néu chon phuong 4n van chuyén hanh khach
bang 2 chuyén xe loai I va 5 chuyén xe loai II thi vin chuyén dudc t6i da 190 hanh khach
(khong tinh tai xé). Néu chon phuong 4n van chuyén bing 3 chuyén xe loai I va 3 chuyén xe
loai II thi van chuyén dudc t6i da 195 hanh khach (khong tinh tai xé). Héi méi loai xe c¢6 thé
chita t6i da bao nhiéu hanh khach (khéng tinh tai xé)?

@ Cau 7. Ba ban Van, Anh, Khoa di chd mua trai cay. Ban Anh mua 2 ki cam va 3 ki quyt
hét 105 nghin dong, ban Khoa mua 4 ki nho va 1 ki cam het 215 nghin dong, ban Van mua 2
ki nho, 3 ki cam va 1 ki quyt hét 170 nghin dong. Héi gia méi loai cam, quyt, nho 1a bao nhiéu?

@ Cau 8. Mot cita hang ban quan, 4o va nén. Ngay thit nhat ban dudce 3 ci quan, 7 cai 4o
va 10 cai nén, doanh thu 1a 1930000 dong. Ngay thi hai ban dudc 5 cai quan, 6 cai 4o va 8
cai nén, doanh thu 1a 2310000 dong. Ngay thu ba ban dudc 11 cai quan, 9 cai 4o va 3 cai nén,
doanh thu 14 3390000 dong. Héi gia ban mébi quan, mébi 40, mdi nén 14 bao nhiéu?

@® TRAC NGHIEM

3x—-2y—-2z="1
@ Cau 1. Nghiém ctia hé phuong trinh { —4x+3y—2z =15 la:
-x—-2y+3z2=-5
1

3 3 95
A. (-10;7;9). B. (5,—2,5). C. (—Z,—§,Z). D. (-5;-7;-8).
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3. PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN WGV: Doan Thinh

@ Cau 2. Cap (x;y) = (1;2) la nghiém ctia phuong trinh:

A. 3x+2y="1. B. x-2y=5. C. 0.x+3y=4. D. 3x+0.y=2.
3x+4y=-5
@ Cau 3. Nghiém ctia hé phuong trinh { " a:
—2x+y=-4
1 -7 -1
A. (1;-2). B. [=;—]. C. |—;-5]. D. (-2;1).
(1;-2) 57 5-) (-2;1)
@ Cau 4. Hé phuong trinh nao sau day 1a hé hai phuong trinh bac nhat hai 4n:
~-3y=1 x®-by=1 2_x-1=0 x+y-z=1
AT B. {0 c.{* VTN p T
2x+y=2 x—y“=0 x—1=0 x—y“=0

@ Cau 5. Hé phuong trinh nao sau day 1a hé ba phuong trinh bac nhat ba an:

Ztx=1 2 9y 120 52 1=0 x+y—z=1
x“=2y-1= x“—x—-1=
A. {x-2y=0 . B. Y . C. . D. {2x—y+5z=0
x+y=0 2x—3=0
-3x+2y—-2z=3 -3x+2y-2=3
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@ Cau 6. Hé phuong trinh nao sau day 1a hé hai phuong trinh bac nhat hai 4n:

2 2
-3y=1 —x+2y—3z=5 -2y=0 2x—z=1
AT T B.{ T VTETY o T D. {7
—-x+y=3 x—y+2z=0 x+y=3 bx+4z=-3
@ Cau 7. Hé phuong trinh nao sau day c6 duy nhat mot nghiém ?
+y=1 —x+y=3 -3x+y=1 Bx+y=3
A. Ty . B. Ty . C. Ty . D. vy .
x—2y=0 2x—2y=-6 —6x+2y=0 10x+2y=-1
@ Cau 8. Hé phuong trinh nao sau day vé nghiém ?
+yv=1 —x+y=0 4x+3y=1 +y=3
A. Ty . B. ey . C. rrey . D. Ty .
x—2y=0 2x—2y=-6 x+2y=0 —-x—y=-3
@ Cau 9. Hé phuong trinh nao sau day c6 vo s6 nghiém ?
+v=1 Qv —v=1 —3x+y=1 4x+y=3
A. Ty . B. Y . C. Ty . D. oy .
x—2y=0 —4x+2y=-2 x+2y=0 x+2y=17
@ Cau 10. Hé phuong trinh nao sau day c6 nghiém 1a (1;1) ?
+y=2 2x—y=1 -y=0 4x+y=3
A. ey . B. Y . C. Y . D. ey .
x—2y=0 —4x=-2 x+2y=3 y="17
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@ Cau 11. Hé phuong trinh nao sau day c6 nghiém 14 (1;1;-1) ?

x+y+z=1 —x+2y+z=0 x=3
dx+y=3
A. x—2y+z=-2. B. <{x-y+3z=-1. C.{x—y+z=-2. D. { oy T
3x+y+5z=-1 z=0 x+y—-Tz=0 rrey=
x—y+z=-1
@ Cau 12. Hé phuong trinh { 2x+y+3z =4 c6 nghiém la:
—x+5y+z=9
A. (1;2;0). B. (-1;-2;0). C. (0;1;2). D. (1;2;1).
-y+1=0
@ Cau 13. Hé phuong trinh{ Y ¢6 nghiém la:
2x+y—-7=0
A. (2;0). B. (-2;-3). C. (2;3). D. 3;-2).
n TR . 3x—-2y=4
@ Cau 14. Nghiém ctia hé phuong trinh la
2x+y=5
A. (2;1). B. (-2;1). C. (1;2). D. (2;-1).
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x+2y=1
3x+6y=3
A. Hé phuong trinh vo nghiém. ) B. Hé phuong trinh vo s6 nghiém.
C. Hé phuong trinh c6 nghiém duy nhat. D. Hé phuong trinh c6 hai nghiém.

@ Cau 15. Cho hé phuong trinh { . Khang dinh nao sau day ding?

x 1
@ Cau 16. Tap nghiém ctia hé phuong trinh { y 2 1a
x+y—-10=0
A {BO mseos|RB) ps 0}
3 3 3 3 3 3
x+y=8
@ Cau 17. Hé phuong trinh 4 x Y g c6 bao nhiéu nghiém?
y x
A. 2. B. 3. C. 4. D. 1.

x+y=10

x2+y2:58

A. 3;7). B. (7;3). C. (3;7);(7:3). D. (3;3).

@ Cau 18. Cho hé phuong trinh { . Hé phuong trinh trén c6 nghiém (x;y) la
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@ Cau 19. Tim d6 dai hai canh ctia mét tam gidc vudng, biét rang: Khi ta ting méi canh 2c¢m
thi dién tich ting 17¢m?; khi ta giam chiéu dai canh nay 3c¢m va canh kia lem thi dién tich
gidm 11cm?. Pap an dung la

A. 5cm va 10cm. B. 4cm va 7cm. C. 2cm va 3cm. D. 5cm va 6cm.

@ Cau 20. Mot thira ruéng hinh chit nhat c¢6 chu vi 250m. Tim chiéu dai va chiéu rong caa
thit ruong biét rang khi ta gidm chiéu dai 3 1an va chiéu roéng ting 2 1an thi chu vi thita rudng
khong déi. Pap an dung 1a

A. 32 m va 25 m. B. 75 m va 50 m. C. 50 m va 45 m. D. 60 m va 40 m.
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YWGV: Doan Thinh

CHUONG4/ BAT PANG THUC - BAT PHUONG
TRINH

BAI1. BATDANG THUC

@ TOM TAT LY THUYET
€ DINHNGHIA

I Cac ménh dé dang "a <b","a>b","a=b", "a < b" dudc goi 1a bat dang thic.

€> BATDANG THIC HE QUA VA BAT DANG THU'C TUONG BUONG

(1) Néu ménh dé "a < b = ¢ <d" ddng thi ta néi bat dang thic ¢ < d 1a bat déng thic hé
qua cua bat dang thic a <b va cing viet laa<b=>c<d.

(2) Néu bat dang thic a < b 1a hé qua cta bat dang thic ¢ < d va ngudce lai thi ta néi
hai bat dang thic tuong duong véi nhau va viet laa <b ¢ <d.

€)  TINH CHAT CUA BAT DANG THUC

Tinh chéat Tén goi
Piéu kién No6i dung
a<beoa+c<b+e Cong hai vé ctia bat dang thic véi mot sb
c>0 a<beac<bc Nhan hai vé cta bat dang thic
c<0 a<beoac>be véi mot sd
a<bvac<d >a+c<b+d Coéng hai bat dang thiic cung chiéu
a>0,c>0 a<bvac<d=>ac<bd Nhan hai bat dang thic cung chiéu
neN* a<b o a1 <p2ntl Nang hai vé ctia bat dang thic
neN*vaa>0 a<beoa’ <b lén mot lay thia
a>0 a<bo VJa<Vb Khai can hai vé ciia mét bat
a<be Ya<Vb dang thic

€Y BATDANG THUC CAUCHY

Pinh li 1. Trung binh nhdn ciia hai s6 khong Gm nhé hon hodc bang trung binh cong
cua chung

Vab < %,Va,b =0

: , +b s aonn
Dang thic vab = aT xay ra khi va chi khi a =b.
M6 réong: Néu x1,xz,...,x, Lo cdc s6 khong am thi

X1+%9+...+xp

= {/x1X9...Xn

n
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Dau bang xdy ra khi va chi khi x1 =x2 = ... = x,.

Hé qua 1. Téng ctia mot s6 duong véi nghich dao ctia né 16n hon hodc bang 2.

1
a+—=2,Va>0
a

€©)  BAT DANG THU'C BUNHIACOPXKI

Dinh li 2. V6i cdc sb thuc a,b,c,d tiy y ta luén cé
(@® +b?%) (¢ +d?) = (ac + bd)?

PN e b
Dau bang xay ra khi va chi khi ad = bc hay Ce I

C
Mé réong: Vii hai b6 so (a1,az,...,a,) va (b1,be,...,by,) ta co

(@2 +a%+...+a2) (b2 + b2 +...+b2) 2 (a1b1 +agba +... +a,b,)?

ag an

Déu béing xdy ra khi va chi khi 2 =22 - =2~
b1 bs bn

€) BATPANG THUC CHIA DAU GIA TRI TUYET DO

Piéu kién N6i dung

x| =0,|x|=x,|x| = —x
lx|<ae-a<x<a
a>0 x| =a < x<-ahoacx=a
la| - 16| <l|a+b| <l|a|+ b

€) CAC DANG TOAN

[ Dang 1. Chitng minh bét déng thitc dua vao dinh nghia va tinh chét

Phwong phap giai.

D& chitng minh bat ding thiic (BDT) A =B ta cé thé st dung cdc cdch sau:

& Ta di chiing minh A—-B = 0. Dé chitng minh né ta thuong st dung cdc hiang ding thic
dé phan tich A — B thanh téng hodc tich ciia nhitng biéu thiic khong am.

& Xudt phdt tie BDT ding, bién doéi tuong duong vé BDT can chitng minh.

Vi du 1. Cho hai s6 thuc a, b, ¢. Chiing minh rang c4c bat ddng thic sau

a?+ b2
g

@ ab< @abs(a+b)2.

Loi giai:
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[ Dang 2. St dung bét déng thitc Cauchy.

Phuong phap giai.

Mot s6 chi ¥ khi stz dung bat dang thiic Cauchy:
(1) Khi dp dung Cauchy thi cdc sb phdi la nhiing s6 khong aGm.
(2) BDT Cauchy thuong dudc dp dung khi trong BPT can chiing minh cé tong va tich.
(3) Diéu kién xdy ra ddu "="1la cdc sé bang nhau.

Bét déing thite cési con cé hinh thiic khdc thuong hay s dung

D x2+y?=2xy
2
@ x2+y22(x+2y)
2

€) xys(x;y) .

Vi du 1. Cho a, b 12 s6 duong théa man a? + b2 = 2. Chiing minh rang

(302 )+ 22

a a

[ Dang 3. S& dung bét déng thirc Bunhiacopxki

Vi6i cdc sb thuc a,b,c,d tiy ¥ ta luén cé
(a2 + b2) (c2 + d2] >(ac+ bd)2

Déu bang xdy ra khi va chi khi ad = be hay . g
c

Vi du 1. St dung bat dang thitc Bunhiacopxki
(1) Cho x? +y% =5 tim gi4 tri 16n nhat va nhoé nhat cta biéu thic A = x +2y.
(2) Tim gia tri 16n nhat cta biéu thic A = vI—x+2vx + 1.

Loi giai:
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................................................................................................

® 1ULAN

@ Cau 1. Cho q, b, ¢ € R. Chitng minh cac bat dang thic sau:
@ a?+b%2+c?=ab+bc+ca. HD: & (@a—b)?+(b-c)+(c—a)?=0)
@ a?+b%2+1=2ab+a+b (HD: e (@-b)?+(@-1)2+(b-12=0)
3 a?+b%2+c?2+3=220@+b+c)(HD: o (@a-12+(b-1)?+(c-1)*=0)
@ a?+b%2+c%2=2ab+bc—ca)(HD: ©(a-b+c)?>=0)

@ Cau 2. Cho a,b,c =0. Chiing minh céac bat dang thic sau:
@ (@+b)b+c)c+a)=8abc. (HD: a+b=2Vab;b+c=2Vbc;c+a=2/ca)
@) (@+b+c)a2+b2+c2)=9abe. (HD: a+b+c=3Vabe;a®+b2+c? = 3Va2b2c2)

@) A+a)1+b)1+c)=> (1+ \3/abc)3. (HD: 1+a)1+b)1+c¢)=1+a+b+c+ab+bc+ca+abe)

b b ; b be?
@—c+%+a—za+b+cvé1a,b,c>0.(HD:—C+%22 as¢
a

=2
b c a b ab °)

@ Cau 3. Cho a,b,c 1a d6 dai 3 canh cia mot tam gidc. Ching minh:
@ ab+bc+ca<a?+b%2+c22ab+be+ca). HD: a>|b—c|=a?>b%2-2bc+c?)
@) abc=(a+b-c)b+c—a)a+c-b). (HD:a?>a’—(b-c)?>=a’>(a+b-c)a—-b+c))
(3) 2a2b2+2b%c? +2c%a? —a* - b*—c*>0. (HD: © (a+b+c)a+b—c)b+c—a)c+a—b)>0)
@ ab-c)?+blc—aP+cla+b?>a®+b3+c. (HD: o (a+b-c)b+c—a)c+a—b)>0)
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@ Cau 4. Ap dung BDT Cé-si dé tim GTNN cta cac biéu thic sau:

x 18 2

X
@y—§+?,x>0. @y_§+x_1>x>1'

@ Cau 5. Ap dung BDT Cé-si dé tim GTLN cta céc biéu thic sau:

@D y=(x+3)5—-x) v6i -3<x<5. 2 y=x(6-x)v6i0<x<6.

@ Cau 6. Biét x, y 12 2 sb6 thuc duong théa méan x +2v2y =5 Tim gia tri nhé nhat cta biéu
thic A = x* + y*.

@ Cau 7. Tim gia tri 16n nhat cia ham s6 A = v1-2x+3v1+x.

@® TRAC NGHIEM

@ Cau 1. Cho bat dang thicla - b| < |a| +|b|. DAu dang thiic xay ra khi nao?
A. a=b. B. ab<0. C. ab=0. D. ab=0.
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@ Cau 2. Gia tri nhé nhat cta biéu thic x% + 3|x| véi x € R 1a
9 3

A, —. B. —-. C. o. D.
4 2

N W

@ Cau 3. Cho biéu thitc f(x) = vV1—x2. Két luan nao sau day ding?
A. Ham sb f(x) chi c6 gia tri 16n nhat, khong c6 gia tri nhé nhét.
B. Ham s6f(x) chi c6 gia tri nhé nhat, khong c6 gia tri 16n nhét.
C. Ham sb f(x) c6 gia tri nhé nhat va gia tri 16n nhét.
D. Ham s6 f(x) khong c6 gia tri nhé nhat va khong c6 gia tri 16n nhat.

@ Cau 4. Cho ham sb f(x) =

\/x21T’ Ménh dé no sau day 1a ding?
A. f(x) c6 gia tri nho nhat 14 0, gia tri 16n nhat bang 1.

B. f(x) khong c6 gia tri nhoé nhéat, gia tri 16n nhat bang 1.

C. f(x) c6 gia tri nho nhéat 1a 1, gia tri 16n nhat bang 2.

D. f(x) khong c6 gia tri nhé nhat va gia tri 16n nhat.

@ Cau 5. Cho biét hai s6 ava b ¢6 tong bang 3. Khi d6, tich hai séa va b
e v 1A, 129 4,12 9
A. c6 gia tri nho nhat laZ. B. c¢6 gia tri 16n nhat la 7

p 3 2
C. co6 gia tri lI6n nhat la ot D. khong c6 gia tri 16n nhat.
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@ Cau 6. Cho ba sb a; b; ¢ thod mén doéng thoi:a+b—c>0;b+c—a>0;c+a—b>0. P& ba sb
a; b; cla ba canh cia mot tam gidc thi can thém déu kién gi?

A. Can cé caa,b,c=0. B. Can c6 ca a,b,c>0.

C. Chi can mot trong ba sb a,b,c duong. D. Khong can thém diéu kién gi.

@ Cau 7. Tim ménh dé dung?

A. a<b=>ac<bec. B. a<b:1>%.
a
C. a<bvac<d=ac<bd. D. a<b=ac<bc,(c>0).
@ Cau 8. Suy luan nao sau day dung?
a>b a>b a b
A. . B. ->—.
{C>d:>ac>bd {c>d:>c>d
>b >b>0
C. {a =>a-c>b-d. D. {a =ac>bd.
c> c>d>0
@ Cau 9. Trong cac tinh chat sau, tinh chat nao sai?
<b O<a<b
A. . >a+c<b+d. B. ¢ :>2<9.
c<d O<e<d d ¢
O<a<b a<b
C. =ac < bd. D. =>a-c<b-d.
O<c<d c<d
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@ Cau 10. Ménh dé nao sau day sai?
<b <b
A S0 Save<b+d. B. {“=° S ac<bd.
c<d c<d
a<b
C.{ . >a-c<b-d. D. ac<bc=a<b.(c>0).
C

@ Cau 11. Cho biéu thiic P = —a + v/a véia = 0. Ménh dé nao sau day 1a ménh dé dung?
p 1 p 1
A. Gia tri nho nhat caa P la 1 B. Gia trilén nhat caa P la 1

p 1 £ 1
C. Gia tri 16n nhat cta P la 5 D. P dat gia tri 16n nhat tai a = 7

A . s . 2, A o N A 2 v
@ Cau 12. Gi4 tri 16n nhat cta ham s6 f(x) = — ¢ bang
x? —b5x

11 4 5fP 8
A, —. B. —. C. —. D. —.
4 11 8 11

@ Cau 13. Chof(x) = x —x2. Két luan nao sau day la ding?

., . 2 A M ]- , ., . 2, A M ]-
A. f(x) c6 gia tri nho nhat bangz. B. f(x) c6 gia tri 16n nhat bang 5

.. . 2 A ™ ]- - .« . . 2, A ™ ]-
C. f(x) c6 gia tri nho nhat bang T D. f(x) co gia tri 16n nhat bang 7

118 Suu tam va bién soan



1. BAT PANG THUC WGV: Doan Thinh

@ Cau 14. Bat dang thic (m +n)? = 4mn tuong duong véi bat dang thic nao sau day?
A. nm-12-m(n-12=0. B. m?2+n2=2mn.
C. m+n2+m-n=0. D. (m -n)?=2mn.

@ Cau 15. V6i moi a,b #0, ta c6 bat dang thiic nao sau day luon ding?
A. a-b<0. B. a?-ab+b%2<0. C. a®+ab+0b%2>0. D. a-b>0.

@ Cau 16. Véi hai sb x, y dudng thoa xy = 36, bat déng thiic nao sau day ding?
+
A x+y=2/xy=12. B. x+y=2xy="72. C. 4xy<x%+y2 D. (x Y

)2 =xy = 36.

@ Cau 17. Cho hai s6 x, y duong thoa x + y = 12, bat dang thiic nao sau day ding?

+ 2
A. /xy=<6. B. xy<(x y) =36. C. 2xy<ax®+y2 D. ,/xy=6.
. o A e 24 p? +b)2
@ Cau 18. Hai sb a, b thoa man bat ding thitc g = a2 ) thi
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A. a<b. B. a>b. C. a=b. D. a #b.

. 2 . ° A L3 N A 2 40 N
@ Cau 19. Gia tri nho nhat ca ham s6 f(x) = g + 1 véix>1la
x_

A. 2. B. g C. 2Vv2. D. 3.

@ Cau 20. Cho hai sb thuc x, y khong am va théa méan x2 +2y2 = 12. Gia tri 16n nhét caa

P=xyla
13

A. 1 B. 4. C. 8. D. 13.
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BAI2.  BAT PHUONG TRINH VA HE BAT PHUONG
TRINH MOT AN
® TOMTAT LY THUYET
€)  BATPHUONG TRINH MOT AN

Pinh nghia 1. Bat phuong trinh 4n x 14 ménh dé chiia bién c6 dang
f(x) < g(x) hoac f(x) < g(x)

trong d6 f(x) va g(x) 12 nhiing biéu thiic cta x.

™ f(x) va g(x) 1an luot 1a vé trai, vé phai ctia bat phuong trinh.

@ Sb thuc xo sao cho f(xp) < g(xo)(f (xo) < g(x0)) 12 ménh dé ding dudc goi 1a mot
nghiém ctia bat phuong trinh.

& Giai bat phuong trinh 1a tim tap nghiém cta né, khi tap nghiém réng thi ta néi
bat phuong trinh vo nghiém. Cha y: Bat phuong trinh ciing c6 thé viét lai dudi
dang sau: g(x) > f(x) hoac g(x) = f(x).

Q HE BAT PHUONG TRINH MOT AN

Pinh nghia 2. Hé bt phuong trinh 4n x gom mot s6 bat phuong trinh 4n x ma ta phai
tim nghiém chung ctia chung.

@ MGbi gia tri ctia x dong thoi 1a nghiém ctia tat ca cac bat phuong trinh caa hé dude
goi 13 mét nghiém cta hé bat phudng trinh da cho.

@ Giai hé bat phuong trinh 1a tim tap nghiém cta né.

& DE giai mot hé bat phuong trinh ta giai tiing bat phuong trinh roi 1ay giao caa
cac tap nghiém. -

€) CACDANG BAITAP

e )

(D Dang 1. Tim diéu kién xdc dinh cGa bét phuong trinh

Diéu kién xdc dinh ciia bt phuong trinh la diéu kién ciia Gn sé x dé f(x) va g(x) cé nghia.

You

Vi du 1. Tim diéu kién x4c dinh ctia bt phuong trinh

5x 3x—2 4
+ <7+ .
x24+1 2x-5 2x—5

Lai giai:

................................................................................................

121 Suu tam va bién soan



9. BAT PHUONG TRINH VA HE BAT PHUONG TRINH MOT AN WGV: Doan Thinh

Vi du 2. Tim diéu kién x4c dinh ctia bt phuong trinh v2x + 6 > 3 +2v/2x + 6.

Loi giai:

................................................................................................

(3 Dang 2. Gidi va bién luan bat phuong trinh dang ax+ 56 > 0

BétphUOng trinh ax+b>0 (1) (ax+b=0,ax+b<0,ax+b =0).
& Néu a =0 khi dé (1) b>0.

— Néu b <0 thi (1) vb nghiém.

— Néu b >0 thi (1) c6 nghiém VxeR.

P b
@ Neua>0thi()eox>——.
a

P b
& Néu a <0 thi (1)©x<—3.

Vi du 1. Giai va bién luan bat phuong trinh sau.
Q) mx+6<2x+3m.
@2 (m?+9)x+3=m(1-6x).

Loi giai:

................................................................................................
................................................................................................

(3 Dang 3. Hé bét phuong trinh béac nhét mét dn

Phuong phap giai:

& Gidi tung bat phuong trinh trong hé bat phuong trinh.

& Tim giao tdt cd cdc tdp nghiém cia cdc bdt phuong trinh trong hé bat phuong trinh.
& Két lugn.

3x+1=2x+7

Vi du 1. Tim nghiém nguyén ctia hé bat phuong trinh sau: {4x 43592419

Loi giai:

................................................................................................
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[ Dang 4. Bt phuong trinh chita én trong ddu gid tri tuyét déi

gx)>0
& =g { —g(x)< f(x) < glx)
[ | g(x)<0
{f (x) co nghia
¥ If@l>gx)e | [gx)=0
fx) <—g(x)
fx)>g(x)

Chu y: Vi B > 0 ta co:

y‘ - A<-B
| ¢ |Al<Be-B<A<B @ |Al>Bo .
A>B

Vi du 1. Giai c4c bat phuong trinh sau

@) |5x+3] > 1. @ 12x-3|<x+1

Loi giai:
(® 71U LUAN
@ Cau 1. Giai cac bat phuong trinh sau:

@3(x—1)+2>2x+3. @3_2x+1>x+§ @2+3(x+1)<3_x_1.
®x2—3x+45x2—2. 5(x— 1) 2x+1) 3 302 _7)4
B3) 4x+3<2x-1. @ = -1<——. 10) —2x+2 > =2

@) 3x%-10x+8 = 3x(x +1). ® 3 2+ 1 3 @x+1 xt2 ) o«

3x+1 -1 - >x+— —-—<2+-.

®) 2438 )<3—x4 . T 2 3 6

@ Cau 2. Giai va bién luan cac bat phuong trinh sau:
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QD) mx+1>m?+x @) m+Dx+m<3m+4
(2 mx+6>2x+3m @ m(x6—2)+x—3m>x42-1

@ Cau 3. Tim m dé cac bat phuong trinh sau v6 nghiém:

Q) 3—mx<2(x—m)—(m+1)>2. 3) mx—m?>mx—4.
@ m2x+1=m+3Bm-2)x. @ (m%?-4m+3)x+2m—4<0.

@ Cau 4. Giai cac hé bat phuong trinh sau:

4 1 11—
@ (PrriE2aT Z 12x<x+- Z>9¢-5
4x+3>2x+19 @{2 3 9 2, ®{ 2 g
dx -5 roo 27« x-8
x7 <x+3 5 <4 3 28x+1)= 21
@ Y3048 : Texrs 15%—2>2x + =
>2x—5 @ {2 3 ® - 3
4 2x—9 19+x° 3x—14"
< 2(x—4)<
3 2 2
@ Cau 5. Giai cac bat phuong trinh sau:
@) 18x-2]>7. @ |2x-8|<T. @ 122 -5 <x+1.
) |5x—12| < 3. (5 13x+15| = 3. 12x + 1] < x.
® |x—2|<’2—c. ® lw-1> 2L @ lx-2/>x+1.
2

124 Suu tam va bién soan



9. BAT PHUONG TRINH VA HE BAT PHUONG TRINH MOT AN WGV: Doan Thinh

@® TRAC NGHIEM

@ Cau 1. Gia tri x = -3 thudc tap nghiém ctia bat phuong trinh nao trong cac bat phuong
trinh sau day?

1 2
A, (x+3)(x+2)>0. B. (x+32x+2)<0. C. x+V1-x22>0. D. + > 0.
1+x 3+2x
P 2

@ Cau 2. BAt phuong trinh 52— 1> gx +3 ¢6 nghiém la

A. Vx. B. x<2. C. x>—§. D. x>@.

2 23

@ Cau 3. Tim tap nghiém S ctia bat phuong trinh |x% - 4x| <0.

A. S=0. B. S ={0}. C. S=(0;4). D. (—o0;0)u (4;+00).
@ Cau 4. B4t phuong trinh |x—1|=x—1 ¢6 nghiém la

A. x€e(—o00,+0). B. x=1. C. x=1. D. x<0.
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O

@ Cau 5. Bat phuong trinh |x — 3| =1 ¢6 nghiém 1a
3<x<4. B. 2<x<3. C. x<2 hoac x = 4. D. x=3.

@ Cau 6. Bt phuong trinh: [3x — 2| (x? + 1) = 0c6 tap nghiém la
A. (g;+oo). B. g;+oo). C. (—oo; g) D. R.
3 3 3

@ Cau 7. Khéng dinh nao sau day la khang dinh sai?
A. Bat phuong trinh bac nhat mét 4n luén c6 nghiém.
B. Bit phuong trinh ax + b < 0 v6 nghiém khia =0 va b =0.
C. Bat phuong trinh ax +b <0 ¢6 tap nghiém 1a R khi a =0 va b < 0.
D. Bat phuong trinh ax + b < 0 vd nghiém khi a =0.

@ Cau 8. Khang dinh nao sau day dung?

1
A. x2<3xeox<3. B. -~ <0oex<1.
X
+1
C. X >0ex+120. D. x+|x|=x< |x|=0.
X
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A A oA o A A ~ 2 —x> 0 N
@ Cau 9. Tap nghiém cua hé bat phuong trinh { la
2x+1>x—-2
A. (—o0;-3). B. (-3;2). C. (2;+00). D. (-3;+00).

S 2 —2<4(—x+1
@ Cau 10. Tap nghiém ctia hé bat phuong trinh { X (—x+1) .

4-3x<2(2—-x)
A. (—o0;0). B. (2;3). C. (0;1). D. (1;+00).
N p . p 4x—-2<2x—-8
@ Cau 11. Diéu kién cia tham s6 m dé hé bat phuong trinh { gy . Ox c6 nghiém la
x—m
A. m<-3. B. m>-3. C. m=-3. D. m<-3.

@ Cau 12. S6 nghiém nguyén am cta bat phuong trinh [2x-4| = x+3 1a
A. 2. B. 1. C. Vb sb. D. 4.

3x+2>2x+3
1-x>0

A. 0. B. (11) C. (—o0;1). D. (1;+00).

@ Cau 13. Tim tap nghiém cta hé bat phudng trinh

57
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P 2
@ Cau 14. Tap nghiém ctia bat phuong trinh Ex ~1> g +11a
A. S=(-00;12). B. S =(2;+00). C. S =(-12;+00). D. S =(12;+00).
@ Cau 15. Tap nghiém ctia bat phuong trinh 3x <5(1-x) la
A. (—§;+oo). B. —oo;§). C. (§;+oo). D. (—oo;§).
2 4 8 8
2x—1
) <-x+1
@ Cau 16. Tap nghiém S ctia hé bat phuong trinh { 4 35 la
<3-x
4 4
A. S= (—2;5). B. S= (5;+oo . C. S =(-00;-2). D. S =(-2;+00).
x—1
. <-x+1
@ Cau 17. Tap nghiém S cta hé bat phuong trinh 2 gy 1
3+x>
1 1
A. S:(—oo;—z). B. S =(1;+00). C. S:(—Z;l). D. S=0.
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20-1)<x+3 1
2x<3(x+1) &
A. S=(-3;5). B. S =(-3;51. C. S =[-3:5). D. S =[-3:5].

@ Cau 18. Tap nghiém S cta bat phuong trinh {

5
6x+—=—>4x+7

@ Cau 19. S6 nghiém nguyén cta hé bat phuong trinh { o . la
<2x+25
A. Vb sb. B. 4. C. 8. D. 0.
@ Cau 20. Tong tat ca cac nghiém nguyén ctia bat phudng trinh { 356;:(2::123;; 5 bang
A. 21. B. 27. C. 28. D. 29.
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BAI3.  DAU CUA NHI THU'C BAC NHAT
@ TOM TAT LY THUYET
€) DINH NGHIA

Nhi thiic bac nhat déi véi x 1a biéu thiic dang f(x) = ax +b (a #0) trong dé a, b 12 hai sb
cho da cho.

€) DAU CUA NH| THUC BAC NHAT

Dinh li 1. Nhj thiic f(x) = ax+b c6 gid tri cung ddu véi hé sé a khi x ldy cdc gid tri trong

b o 4 4. A A . A - . - . ? b
khoang (—— ;+oo), trai dau véi hé so a khi x lay cac gia tri trong khoang (—oo;——).
a a

Quy tac:

Trai-Trai _,
dau caa a

Phai - Cing

€) CAC DANG BAITAP

(D Dang 1. Xét dau nhij thirc bac nhét

Phwong phdp: Dua vao bing xét dau.

b
2 —C9 —— +00
a
fx) Trdi déu a 0 Cung déu a

Vi du 1. Xét dau biéu thic f(x) = (x —2)(x +4).

Loi giai:

................................................................................................
................................................................................................

2—-3x
dx+1°

Vi du 2. Xét diu biéu thic f(x) =

Lai giai:
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................................................................................................

[ Dang 2. Gidi bat phuong trinh bac nhét mét én

& Gidi bat phuong trinh tich.
— Dang P(x)> 0 (1) (trong dé P(x) la tich cdc nhi thitc bac nhat).
— Cdch gidi: Lap bang xét dau ciia Px. Tt dé suy ra tap nghiém cia (1).
& Gidi bat phILf(on),g trinh chita én 6 mau.
x

— Dang o >0 (2) (trong dé P(x),Q(x) la tich nhiing nhi thiic bdc nhdt.)

e T A 7 s S i
— Cach giai: Lap bang xét dau cua @

3 T do suy ra tap nghiém cua (2).
x

Chu y:
¢ Quy doéng va khéng duodc khiz méu.
{ (& Rut gon bét cdc nhi thic cé liy thita bdc chdn (can luu y trong viéc rut gon dé
tranh lam mét nghiém).

Vi du 1. Giai b4t phuong trinh sau: (x - 1)(2 - 3x) = 0.

Loi giai:

................................................................................................
................................................................................................

—2x+4 -
QCx-1(Bx+1)~

Vi du 2. Giai bat phuong trinh sau:

................................................................................................

131 Suu tam va bién soan



3. DAU CUA NHI THUC BAC NHAT

YWGV: Doan Thinh

() 71U LUAN

@ Cau 1. Lap bang xét diu céac biéu thic sau
@) (Bx+5)(x—4). @ x(4-x)(x+2).
@ (_—25; f 35)(9 —2x4). ®) x(23é; _5)3(x -.
® x-2 ®1- x+1°

@) x(6—3x)(—x+4).

4x—12

@ Cau 2. Giai cac bat phuong trinh sau:

%(x+1)(x—1)(3x—6)>0. @ xj>x+;
(2x—-7)4—-5x)=0. X xX—
3 2x—5 3x+2 ®) x2—-x-20>2(x—11).
< . — _
3x+2  2x—5 @ =3 122
x+5 x-3

(@) 3x(2x+7)(9—3x) =0.

©@

3x—4

> 1.
x—2
2x—5

>

>-1.
2—x

@® TRAC NGHIEM

@ Cau 1. Cho nhi thiic bac nhat f(x) = 23x — 20. Khang dinh nao sau day ding?

A. f(x)>0vV6i VxeR. B. f(x)>0 véi Vxe(—oo;g).
C. f(x)>0V6ix>—g. D. f(x)>0 véi Vxe(%&oo.

@ Cau 2. Véi x thudce tap hop nao duéi day thi da thiic f(x) = x(x —6)+5—-2x—[10 + x (x — 8)] ludén

duong?

A. o. B. R. C. (—o0;5).

D. (5;+00).
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@ Cau 3. V6i x thudc tap hdp nao dudi day thi nhi thic bac nhat f(x) = % khong duong
—
A. [-2,5]. B. (-2,5). C. (-2,5]. D. [-2,5).

1

@ Cau 4. Cac gia tri cta x thoa man diéu kién da thic f(x) = % +x—-1- " vVaZ+1la
x x
A. x#Z-2vax#-1. B. x>-1. C. x#-1. D. x #-2.
@ Cau 5. Véi x thudc tap hdp nao dudi day thi nhi thiic bac nhat f(x) = T 2 1 am?
—x
A. (—o0;-1). B. (—o0;-1)u(1;+00). C. (1;+00). D. (-1;1).

@ Cau 6. Véi x thudc tap hop nao dudi day thi nhi thic bac nhat f(x) = (x - 1)(x +3) khong
am

A. (-3,1). B. [-3,1].

C. (—00,-3]1U[1, +00). D. (—o00,-3)U[1, +00).
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p —4x+1
@ Cau 7. Véi x thudc tap hop nao duéi day thi nhi thic bac nhatf(x) = x++1 + 3 khong
dudng
A ) P RSy
5 3 5 3 5 5

@ Cau 8. Véi x thuoc tap hop nao dudi day thi nhi thitc bac nhat f(x) = % —2 khong duong

A. (—o00,—-3)U[-1, +00). B. (-3,-1].
C. [-1,+00). D. (—oo,-1].

@ Cau 9. Véi x thudc tap hop nao dudi day thi nhi thic bac nhat f(x) = |2x—5|— 3 khong
duong

5
A, 1<sx<4. B.x:§. C. x=0. D. x<1.

@ Cau 10. Véi x thudc tap hop nao duéi day thi nhi thic f(x) = f; 3 khong duong?
X
A. S=(-o0;1). B. S=(-3; 1)U[1 +00).

C. S =(-00;-3)U(-1;1]. D. S =(-3;1).
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2 2—
@ Cau 11. Véi x thudc tap hop nao dudi day thi nhi thic bac nhtf(x) = ﬁ khong am?
X
1 1
A. S= (—5;2)- B. S= (_OO;_E) U(2;+00).

C. S:(—oo;—%)u[2;+oo). D. S:(—%;2].

@ Cau 12. Vi x thudce tp hop nao dudi day thi nhi thite f(x) = x (x% - 1) khong A&m?
A. (—oo0;—-1)U[l;4+00). B. [-1;0]U[1;+00). C. (—o0;-1]U[0;1). D. [-1;1].

@ Cau 13. V6i x thudc tap hop nao duéi day thi nhi thiic bac nhat f(x) = |2x— 3| - 1 khong
duong?
A. 1<x<3. B. -1<x<1. C. 1=sx<2. D. -1=sx<2.

. IR . e xAL i1 1 N
@ Cau 14. Véi x thudc tap hop nao duéi day thi f(x) = 5x — % —4—(2x—"7) ludn am

A. o. B. R. C. (—o0;-1). D. (-1;+00).
@ Cau 15. V6i x thudce tap hop nao duéi day thi f(x) = x% — 2x + 3 luén duong
A. 2. B. R. C. (—00:—1)U(3:+00). D. (~1:3).
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@ Cau 16. Véi x thudc tap hop nao duédi day thi da thic f(x) = x? + 9 —6x ludén duong
A. R\ {3}. B. R. C. (3;+00). D. (—o0;3).

@ Cau 17. Tim tham s6 thuc m dé ton tai x thoa f(x) = m2x+ 3 — (mx +4) A&m
A. m=1. B. m=0. C. m=1hoacm=0. D. VmeR.

A . A . e xA i1 . 3 ).
@ Cau 18. Véi x thudc tap hop nao duéi day thi da thic f(x) =2x + i (3+ 5 4) am
x — x—
3 3 2
A. 2x<3. B.x<§V€1x;é2. C.x<§. D.x<§.

@ Cau 19. Véi x thudc tap hop nao dudi day thi da thic f(x) = 2(x-1)—x—(3(x—1)—2x—5)
luén duong
A. xeR. B. x<3,24. C. x>-2,12. D. V6 nghiém.
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@ Cau 20. Sb6 cac gia tri nguyén am cta x dé da thic f(x) = (x + 3) (x — 2)(x —4) khéng am 1a
A. 0. B. 1. C. 2. D. 3.

bx 13 «x 9 2
¢ Cau 21. Véi x thudc tap hop nio dudi day thi da tha :(___ _)_(__—)1 5
¢ Cau V6i x thudce tap hop nao dudi day thi da thic f(x) = 21+15 55 " 35 uon
am 257 5
A. x>0. B. x<—. C. x>——. D. x<-5.
295 2

. 2
@ Cau 22. Véi x thudc tap hop nao dudi day thi nhi thic bac nhat £(x) = % khong duong

X
A. [-2,5]. B. (-2,5). C. (-2,5]. D. [-2,5).
P 1 1
@ Cau 23. Véi x thudc tap hop nao dudi day thi nhi thic bac nhat f(x) = 21 =31 luén
am
A. R. B. 2. C. (-1,1). D. Mot dap sb khac.

. . 2
@ Cau 24. Céc sb tu nhién bé hon 4 d6 da thic f(x) = gx —923—(2x— 16) ludn 4m

35
A. {-4;-3;-2;-1;0;1;2;3}. B. Y <x<4.

C. {0;1;2;3}. D. {0;1;2;-3}.
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P p . -5
@ Cau 25. Tim sb nguyén nhé nhat ctia x d6 f(x) = —— > Tuén duong
(x+7)(x—2)
A. x=3. B. x=-4. C. x=5. D. x=6.

@ Cau 26. Cac s6 tu nhién bé hon 6 dé da thiic f(x) = 5x — % - (12 - 23_x) luén duong

A. {2;3;4;5}. B. {3;4;5}. C. {0;1;2;3;4;5}. D. {3;4;5;6}.

@ Cau 27. Véi x thudc tap hop nao duéi day thi nhi thic bac nhat f(x) =

3x+5 (x+2 )
-1- +x

2 3
luén am
A. V6 nghiém. B. Moi x déu la nghiém.
C. x>4,11. D. x<-5.

@ Cau 28. Véi x thudc tap hop nao duédi day thi f(x) = ad ;; - % khéng am?
X X —
A. (—2;—%]. B. (-2;+00). C. (—2;—%] U(l;+00). D. (—o0;—-2)uU —%;1).
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p £ . p +4 2 4
u 29. Tim s0 nguyén 16n nhat ctia x dé da thic f(x) = ad - -
x2-9 x+3 _3x—x2

@ Ca
A, x=2. B. x=1. C. x=-2. D. x=-1.

luén am

0 1 5
@ Cau 30. Véi x thude tap hop nao dudi day thi bidu thie f(x) = - - % khong 4m
X — X

A. [1,+00). B. (—o00,-1)u(1,3]. C. (3,5)u(6,16). D. (-6,4).
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BAI4.  BAT PHUONG TRINH BAC NHAT HAI AN

@ TOMTAT LY THUYET
4)  BATPHUONG TRINH BAC NHAT HAI AN VA MIEN NGHIEM CUA NG

& BAt phudng trinh bac nhat hai 4n x, y 1a bat phuong trinh ¢6 mot trong cac dang:

B ax+by+c<O. B ax+by+c>0. B ax+by+c=<0. B ax+by+c=0.
trong dé a, b, ¢ 1a nhiing s6 thuc da cho, a va b khong dong thdi bang 0; x va y 1a cac
4an so.

& Moi cap so (xo;y0) sao cho axg+byy < ¢ goi la mét nghiém cta bat phuong trinh ax +
by+c<0.

& Trong mit phing toa d6 Oxy, tap hop cac diém c6 toa do 1a nghiém bat phuong trinh
dudc goi la mién nghiém cta no.

€ CACH XAC DINH MIEN NGHIEM CUA BAT PHUONG TRINH BAC NHAT HAI AN.

DPinh li 1. Trong mdt phang toa dé duong thang d :ax+by +c =0 chia mdat phang thanh
hai nita mdt phang. Mot trong hai nita mat phang Gy (khong ké bs (d)) gom cdc diém co
toa do théa man bat phuong trinh ax+by+c >0, nia mdt phang con lai (khong k€ bo (d))
gom cdc diém c6 toa do théa man bt phuong trinh ax+by + ¢ <O0.

Vay dé xac dinh mién nghiém ctia bat phuong trinh ax+by+c < 0, ta ¢6 quy tic thuc hanh
biéu dién hinh hoc tap nghiém (hay biéu dién mién nghiém) nhu sau:
& Buéc 1: Vé duong thang (d): ax+by+c¢ <0
& Buéc 1: Xét méot diém M (xo; yo) khong nam trén (d).
— Néu axg + by + ¢ < 0 thi nta mit phéng (khéng ké bs (d)) chita diém M 1a mién
nghiém ctia bat phuong trinh ax +by +c¢ <0.
— Néu axg +byg+c > 0 thi nita mat phang (khong ké bo (d)) khong chia diém M 1a
mién nghiém ctia bat phuong trinh ax+by +¢ > 0.

Chu y: D6i véi cac bat phuong trinh dang ax+by+c¢ <0 hodc ax+by+c =0 thi
mién nghiém 14 nta mét phang ké ca bo.

Vi du 1. Biéu dién hinh hoc tap nghiém ctia bat phuong trinh x — 2y > 1?

Loi giai:

2 . . .2 < 1
® Duong thang d :x—2y =1 di qua hai diém A (1;0) va B (O; —5).
® x=y=0khong phai 12 nghiém ctia bat phuong trinh.

V=

® Mién nghiém cta bat phuong trinh la nta mét phang bo la -
duong thang d : x — 2y = 1, khong chita goc toa do O, khong bao
gom duong thang d (l1a mién khong gach chéo trén hinh vé).
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€)  HE BAT PHUONG TRINH BAC NHAT HAI AN

& Trong méit phéng toa dd, ta goi tap hop cac diém c6 toa d6 théoa man moi bat phuong
trinh trong hé la mién nghiém cta hé.

& Mién nghiém ctia hé 1a giao cac mién nghiém ctia cac bat phuong trinh trong hé.

& DE xac dinh mién nghiém cta hé, ta dung phuong phap biéu dién hinh hoc nhu sau:
® V6i méi bat phuong trinh trong hé, ta xac dinh mién nghiém ctia né va gach bé (t6
mau) mién con lai.
® Sau khi l1am nhu trén lan ludt d6i véi tat ca cac bat phuong trinh trong hé trén
cung mét mit phang toa do, mién con lai khong bi gach (t6 mau) chinh 14 mién
nghiém ctia hé bat phuong trinh da cho.

2 . R « X s A LN ) A A \ X — 2 > O
Vi du 2. Biéu dien hinh hoc tap nghiém cua hé bat phuong trinh { N 3y <3’
XToy

Loi giai: y
® Vé cac duong thang d;:x—2y=0; do:x+3y =3. d,
® Diém M (1;0) c6 toa do théa man tat ca cac bat x 1
phuong trinh trong hé nén ta t6 dam cac ntta mat v
phang bo d1;ds khong chia diém M. T, 3 —

@ Mién khong bi t6 dam (mién chia diém M), khong
tinh cac bo d1;ds (hinh vé) 1a mién nghiém cta hé

da cho.
® 1V LUAN
@ Cau 1. Biéu dién hinh hoc tiap nghiém ctia bat phuong trinh sau:
@ 2x—y=>0. @ =y 2xtyrl ® T+Y<1.
(2 -3x+y+2<0. 2 3 3 4

@ x+3+22y+5)<21-x). (© —x+2+2(y-2)<(1-x).

@ Cau 2. Biéu dién hinh hoc tap nghiém cua hé bat phuong trinh sau:

x+y—-2<0 3x—y=-1

© -y+3=20
X—y+to= 2 {2x+y<6
x+3y>3
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x+y+2>0 2x+3y—-6<0 —x+2y<6
3 { 2¢-3y-6<0 @ {x=0 . ® x+y<4
x-2y+3=0 2x—3y—1<0 x>0
x+y—2=0 y=0
® { x—3y+3=<0

@® TRAC NGHIEM

@ Cau 1. Mién nghiém cta bt phudng trinh —x+2+2(y—2) < 2(1-x) 14 nta mat phang
khoéng chia diém
A. (0;0). B. (1;1). C. 4;2). D. (1;-1).

@ Cau 2. Mién nghiém cta bat phuong trinh 3(x — 1)+4(y — 2) < 5x —3 14 nta mit phang chia
diém
A. (0;0). B. (-4;2). C. (-2;2). D. (-5;3).

@ Cau 3. Mién nghiém cta bat phuong trinh x + 3 +2(2y+5) < 2(1-x) 14 nita mat phang
khéng chia diém
A. (-3;-4). B. (-2;-5). C. (-1;-6). D. (0;0).
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@ Cau 4. Mién nghiém caa bat phuong trinh 4(x— 1)+ 5(y — 3) > 2x — 9 14 nta mat phang chia
diém
A. (0;0). B. (1;1). C. (-1;1). D. (2;5).

Tid 150
2 3

@ Cau 5. Cau nao sau day ding?. Mién nghiém ctia hé bat phuong trinh 2x—1)+ 333’ <4 la

x=0
phan mat phéing chia diém
A. (2;1). B. (0;0). C. (1;1). D. (3;4).

. R L . [2x+8y-1>0
@ Cau 6. Diém nao sau day khong thudc mién nghiém ctia hé bat phuong trinh { Y ?

bx—y+4<0
A. (-1;4). B. (-2:4). C. (0;0). D. (-3;4).
2x—-5y—-1>0
@ Cau 7. Piém nao sau day thudc mién nghiém cta hé bat phuong trinh { 2x+y+5>0 ?
x+y+1<0
A. (00). B. (1,0). C. (0;-2). D. (0;2).
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x—y>0
@ Cau 8. Mién nghiém cta hé bat phuong trinh { x—3y+3<0 la phin mat phing chia
x+y-5>0
diém
A. (5:3). B. (0;0). C. (1;-1). D. (-2;2).
3x+y=9
~ N  a ” A1 A < xzy—-3 A o 2 , o
@ Cau 9. Mién nghiém cta hé bat phuong trinh 9y =8 la phan mat phang chita diém
y=8—x
y<6
A. (0;0). B. (1;2). C. (2;1). D. (8;4).

@ Cau 10. Mién nghiém cta bat phuong trinh 3x+2(y +3) > 4(x + 1)— y + 3 12 phan mat phang
chita diém nio?
A. (3;0). B. 3;1). C. (1;1). D. (0;0).

@ Cau 11. Mién nghiém cta bat phuong trinh 5(x+2) -9 < 2x—2y+7 1a phan mé&t phang
khong chita diém nao?
A. (-2;1). B. (2;3). C. (2;-1). D. (0;0).
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@ Cau 12. Trong céc cap sb sau day, cap nao khong 1a nghiém ctia bat phuong trinh 2x + y <
1?
A. (-2;1). B. (3;-7). C. (0;1). D. (0;0).

@ Cau 13. Trong céc cap sb sau day, cap nao khong 1a nghiém ctia bat phuong trinh x—4y+5 =
0?
A. (-5;0). B. (-2;1). C. (1;-3). D. (0;0).

@ Cau 14. Mién nghiém ctia bat phuong trinh —3x+y+2 < 0 khéng chita diém nao sau day?

A. A1;2). B. B(2;1). C. C(l;%). D. D(3;1).

@ Cau 15. Mién nghiém ctia bat phuong trinh x + 3 +2(2y + 5) < 2(1 — x) khéng chira diém nao

sau day?
A. A(-1;-2). B. B(—l;—i). C. C(0;-3). D. D(—4;0).
117 11

@ Cau 16. Mién nghiém ctia bat phuong trinh 2x + y > 1 khong chita diém nao sau day?
A. A1) B. B(2;2). C. C(3;3). D. D(-1;-1).
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@ Cau 17. Mién nghiém ctia bat phuong trinh (1+v3)x - (1-v3)y = 2 chita diém nao sau
day?
A. A(1;-1). B. B(-1;-1). C. C(-1;1). D. D(-V3;V3).

@ Cau 18. Mién nghiém ctia bat phuong trinh x—2+2(y — 1) > 2x+4 chita diém nao sau day?
A. A1;1). B. B(1;5). C. C4;3). D. D (0;4).

@ Cau 19. Mién nghiém ctia bat phuong trinh 2x—v/2y+v2-2 < 0 chita diém nao sau day?
A. A(1;1). B. B(1;0). C. C(VZ;V?2). D. D (v2;-v2).

x+y—-2<0

@ Cau 20. Trong cac cip s sau, ciap nao khong 1a nghiém ctia hé bat phuong trinh
2¢-3y+2>0

N

la
A. (0;0). B. (1;1). C. (-1;1). D. (-1;-1).
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BAI§.  DAU CUA TAM THU'C BAC HAI

O TOMTAT LY THUYET
€ DINH NGHIA

I Tam thiic bac hai 12 biéu thiic c¢6 dang f(x) = ax? + bx + ¢ (a #0), trong d6 a, b, ¢ 12 nhiing
s6 thuc.

€) DAU CUA TAM THUC BAC HAI

fx)=ax?+bx+c, (a#0)
@ A <0: Phuong trinh v6 nghiém.

f(x) Cung dau «

. , b
& A =0: Phuong trinh c6 nghiém kép x = 0
a

b

—— +00
2a

f(x) Cung ddua 0 Cung diua

& A > 0: Phuong trinh c6 2 nghiém x1, xs.

X —00 X1 X2 +00

f(x) Cung ddua 0 Trai ddua 0 Cung ddu a

€)  PHUONG TRINH, BAT PHUONG TRINH CH'A AN TRONG GIA TR| TUYET DO

fx)=0
gl =0 {f(x) ~ g(x)
& If@)]=g0S] [f@)=gk) <
£0) = —g(x) fx)<0
f(x) = —g(x)
f(x) = g(x)
v =
If ()l =1g(x)| < ) = —g(®)
gx)>0
v
¥ If(0)l<gk) e { )< () < £®)
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[ |g(x)<0
f(x) c6 nghia.
¥ If@l>gx)e | [gx)=0

flx) < —gx)
f(x)> g(x)

Chu y:

(£ A=A A=0;|A|l=-A o A<0

5> A , A<-B
(¢ V6iB>0taco:|A|l<Be -B<A<B;|A|>B< A
(¢ |JA+B|=|A|+|Bl|©AB=0;|A-B|=|A|+|B| © AB<0.

€) PHUONG TRINH, BAT PHUONG TRINH CHIA AN TRONG CAN

gx)=0
& /@ =g
ND=6E {f(x)=[g(x)]2

v \/,Tx)_ @@ {f(x) > 0(hoaécg(x) =0)

f(x)=g(x)
= >0
4 a.f(x)+b_\/m+czo©{t Vi@t

at?+bt+c=0

™ /f(x)+/g(x)=h(x). Dat {u: f(x);u,UEO dua vé hé u, v.
v=1/8x)

fx)=0
4 \/f(x)<g(x)©+ gx)>0
f(x) <[gx)?
I { gx)<0
fx)=0
¥ /fx)>gk) < 2020
_ {f(x) > [g(x)]?

€©) CAC DANG TOAN

(D Dang 1. Xét ddu tam thire bac hai

Phuwong phadp gidi: Ap dung cdc quy tic xét déu.

Vi du 1. Xét diu ctia c4c tam thiic bac hai

@) f(x)=2x%-5x+2. @ f(x)=x>+2x+1. 3 f(x)=4x2+17.

Loi giai:

------------------------------------------------------------------------

------------------------
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................................................................................................

................................................................................................

Vi du 2. Xét diu ctia c4c biéu thic

@D fx) = (2 -4) (-2x% +x +3). @) fx) = (2% +4x) (x2 +3).
2 _ 2
@f(x):w. @f(x):x-l-22—x+1'
2-x x“—4

Loi giai:

................................................................................................

................................................................................................

(3 Dang 2. Tim m dé biéu thirc luén &m hodic luén duong frén R
a>0 a>0
™ ax’?+bx+c>0VxeRo . ™ ax’+bx+c<0VxeRo .
A<O A<O
2 a>0 2 a<0
™ ax*+bx+c=0VxeRo . ™ ax’*+bx+c<0VxeRo .
A<0 A<0
Vi du 1. Cho f(x) = (m+2)x2+2(m+2)x+m+3. Tim cdc gi4 tri cia tham s6 m dé f(x)=0
v6i moi gia tri caa x.

Loi giai:

................................................................................................

You

Vi du 2. Cho f(x) = mx? —x—1. Tim cac gid tri clia tham s6 m dé f(x) < 0 v6i moi gia
tri caa x.

Loi giai:
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................................................................................................

(3 Dang 3. Phuong trinh - bt phuong trinh chira déu gia tri tuyét déi

Phuong phdp gidi: St dung cdc cong thiic phan ly thuyét.

Vi du 1. Giai phuong trinh |« -x-1|=x-1.

Loi giai:

................................................................................................

Vi du 2. Giai phuong trinh |x% - 1| =|1-3x|.

Loi giai:

................................................................................................
................................................................................................

[ Dang 4. Phuong trinh - bat phuong trinh chira déu cdn

Phuong phdp gidi: St dung cdc cong thiic phan ly thuyét.

Vi du 1. Giai phuong trinh: Va2 -3x+1=x—1.

Loi giai:

................................................................................................
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Vi du 2. Giai bat phuong trinh: v/(x +5)(3x + 4) > 4(x — 1).

Loi giai:

------------------------------------------------------------------------------------------------

® 1V LAN
@ Cau 1. Xét dau cac biéu thiic sau:

@ 2x%2-Tx+5 ® 2x2-Tx+5 (x% - x)(3 +x)

2 -x2+4x+5 @ (3x2% - 10x + 3)(4x —5) 22+ x -2
3) —4x%+12x-9 (3x2 —4x)(2x2 —x—1) D (2x" —4)x" +1)
(@) 3x%-2x-8 © (8x% —x)(3 - x?) 22x2+x—3 \
6 —a2+2x—1 42 +x—3 1 (2¢” - 2)(1 —x%)

x2-2

@ Cau 2. Giai cac bat phuong trinh sau:

@ x2-x-6<0 (3 16x%+40x+25>0 (5) 3x2-4x+4=0

2 -5x?+4x+12<0 @ -2x%2+3x-720 ~3x%-x+4
6 ——————>0

x2+3x+5

@ Cau 3. Giai cac hé bat phuong trinh sau:

2

x“+x+5<0 242 +x—6>0 —2x% —Bx+4<0
D { ® { ® {

22 —6x+1>0 3x2-10x+3=0 —x2-3x+10>0

152 Suu tam va bién soan



5. DAU CUA TAM THUC BAC HAI WGV: Doan Thinh

2 2 2_ 9, _
x“+4x+3=0 ® —x“+4x-T7<0 ® Sx 22x 7S1
@ {2x*-x-10=<0 x2-2x-1=0 X% +1
2x% ~5x+3>0
@ Cau 4. Tim m dé cac phuong trinh trén c6 nghiém.
@D A+m)x?-2mx+2m =0 @ (m-2)x2—4mx+2m—-6=0
@2 (m-2)x2+2@2m—-3)x+5m—-6=0 B (-m?+2m—-3)x%+2(2-3m)x-3=0
B3 B-m®-2m+3)x+m+2=0
@ Cau 5. Tim m d€ cac bat phuong trinh sau nghiém ding véi moi x.
@ 3x%2+2(m—-1x+m+4>0 @ mx?+m-1Dx+m—-1<0
@ 22+ m+1Dx+2m+7>0 ®) (m-1Dx%2-2(m+1)x+3(m—-2)>0
@) 2x2+(m—-2)x-m+4>0 ©® |3(m+6)x®>-3(m+3)x+2m—3|>3
@ Cau 6. Tim m dé cac bat phuong trinh sau vo6 nghiém.
@D m+2)x2-2m-1)x+4<0 @ mx?+2m-1x+4=0
@ m-3)x2+(m+2)x-4>0 B B-m)x?-22m -5)x—2m+5>0
B m?2+2m-3)x2+2(m-1)x+1<0 ® mx?—4(m+1x+m-5<0
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@ Cau 7. Giai cac phuong trinh sau
@ |«®-b5x+4|=x2+6x+5 @ 2lx|-1x-3|=3
@ |x®-1]=x*-2x+8 @ |x®-1|=1-|x|

@ Cau 8. Giai cac bat phuong trinh sau:

@D 2x2-15x-3|<0 @ |x®+4x+3|>|x?—4x -5
@ x—8> |x?+3x—4| ® lx-3l-lx+1<2
@ |x2-1|-2x<0 ©® |x*-3x+2|+x%>2x

@® TRAC NGHIEM

@ Cau 1. Biéu thiic nao sau day 1a mét tam thiic bac hai déi véi x?

2 _ 2_
A. f(x)=2x%2-/3. B. f(x)=2x-1. C. fx)=" L D. fx)="—"— f;l

@ Cau 2. Cho f(x) =x2 - 2x + 3. Khang dinh nao sau day ding?
A. f(0)=2. B. f(2)=3. C. F3)=4. D. f(4)=5.
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@ Cau 3. Cho tam thtc f(x) = ax®+bx+c, véia #0 va A = b2 —4ac < 0. Khang dinh nao sau day
dang?
A. a.f(x)<0VxeR. B. a.f(x)>0VxeR. C. a.f(x)=0Vx€eR. D. a.f(x)<0Vx€eR.

@ Cau 4.
Cho hinh vé bén, biét f(x) = ax?+bx+c va A = b2 —4ac. Xac dinh dau y
cua a va A.
y = f(x)
0] x
A. a>0,A<0. B. a<0,A<0. C. a>0,A>0. D. a>0,A=0.

@ Cau 5. Cho tam thiic f(x) = ax®+bx+c, véi a # 0 va A = b%2—4ac = 0. Khang dinh nao sau day
sai?
A. f(x) luén cung dau véi hé sb a.
. a.f(x)=0khi va chi khi x = _Zi'

a

a

B

b
C. a.f(x)>0,Vxe R\{—z—}.
D. Db thi ham sb y = f(x) cat Ox tai mét diém duy nhét.
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@ Cau 6. Bang xét dau sau day 1a ciia mot trong s6 bon tam thiic bac hai dude cho dudi day.

Hoéi do 1a tam thic nao?

X —00 1 2 +00

f(x) + 0 - 0 +

A. fx)=x2-2x+3. B. fx)=x2-2x-3. C. f(x)=x2-3x+2. D. f(x)=-x2+3x-2.

@ Cau 7. Trong khoang nao f(x) = —2x% + 3x +5 trai dau véi hé sb cta x2?
5 L)
A. (——;1). B. (—o0;-1) va (—;+oo).
2 2
5 5
C (—1;—). D. (—oo;—— va (1;+o0).
2 2
@ Cau 8. Trong cac khang dinh sau khang dinh nao sai?
A. f(x)=x2+3x+1>0 v6i moi x € R. B. f(x)=—-x%2+4x—-4<0 v6i moi x e R.
. e 1
C. f(x)=-x%+5x—4>0 v6i moi x € (1;4). D. f(x)=2x>-x—-1<0v6imoixe —5;1].

@ Cau 9. Véi gia tri tuy ¥ ctia m, biéu thiic nao sau day 1a mot tam thiic bac hai d6i véi x?

A. f(x)=mx?+3x+1. B. f(x)=(m%2-1)x®>+2x+m—1.
C. fwy=(m+1)x®-1. D. f(x)=(-m2%-1)x®+(2m - 5)x —2017.
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@ Cau 10. Cho tam thiic bac hai f(x) = x% — bx + 3. Vi gia tri nao cta b thi f(x) =0 cé hai
nghiém phan biét?

A. be[-2V3;2V3l. B. be(-2V3;2V3).

C. b e(—00;—2V3]U[2V3; +0). D. b e(—00;-2v3)U(2V3;+00) .

au 11. Tap xéac dinh ctia ham s6 y = v2x2 -5x -2 1a
( B. [2;+00). C. (—oo

,1 ul2;+00). D. [1;2}.
2 2

@ Cau 12. Cé6 bao nhiéu gia tri nguyén x dé tam thic bac hai —2x2 + 5x —2 khong Am?
A B. 1. C. o. D. 3.

@ Cau 13. Cé bao nhiéu gia tri nguyén x dé tam thic bac hai —x? + 5x — 6 luén duong?
A. B. 1. C. 2. D. 3.

@ Cau 14. Tam thic bac hai x% — 5x — 6 luén duong khi
A. x<-1hoacx>6. B. -1<x<86. C. x<-1hoacx=6. D. -1<x<6.
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@ Cau 15. Tam thic bac hai —x? + 5x — 4 khong am khi
A. x<1hoac x>4. B. 1<x<4. C. x<1 hoac x =4. D. 1=sx<4.

@ Cau 16. Cé bao nhiéu gia tri nguyén x dé tam thic bac hai x2 — 5x + 4 luén am?
A. 0 B. 1. C. 4. D. 2.

R 11x% -5x+6 . o
iCau 17. ChO f(x)—m—x Tlmxde f(x)<0 \
A. x€(-3;-2)u(1;2)U(3;+00). B. xe(-3;1)u 2;§)U(3;+oo).
C. xe(-3;-1)u(1;2)uU(3;+00). D. xe(-2;-1)u l;g)u(3;+oo).

@ Cau 18. Cho f(x) = 4x* —x2 + 2x — 1. Khang dinh nao sau day ding?
1-v5 1+v5
2 7 2 '

A. f(x)>0,Vx€( B. f(x)<0,Vx€(—1;%).

D. f(x)<0,Vxe (%;+oo).

C. f(x)>0,Vxe (—oo; 1 +2\/5).
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@ Cau 19. C6 tat ca bao nhiéu gia tri nguyén ctia tham s6 m dé tam thic bac hai f(x) =
—2x2—(m +2)x +m?—m -1 ludon duong trén R?
A. 4. B. 3. C. 2. D. 1.

@ Cau 20. Véi gia tri nao ctia x thi f(x) = (x® + 4x + 10)° =7 (x2 + 4x + 11) + 7 mang gié tri Am?
A. (1;3). B. (-1;3). C. (-3;1). D. (-3;-1).

@ Cau 21. C6 bao nhiéu gi4 tri x nguyén théa man f(x)=x(x®-x+2)-1<0?
A. 1 B. 2. C. 3. D. 4.

@ Cau 22. Xac dinh tat ca cac gia tri ctia m dé tam thiic bac hai f(x) = (m + 1)x% — 3mx +4m ¢6
hai nghiém duong.

1 1 14
A. me(—g;—l). B. me(—76;—1). C. me(—z;l). D. m€(—§;3).
2 _
@ Cau 23. Hay chi ra mot khoang ctia x dé bidu thic f(x) = w luén 4m?
1 x“+T7x+12 .
A. (5;2). B. (2;+00). C. (—o0;-4). D. (—3;5).
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@ Cau 24. Biéu thic f(x) = Sct2 x-2 luoén duong trén khoang nao?
2¢+1 x-1
1
A. (0;1). B. (—2;—5 . C. (-1;0). D. (—%;O).

@ Cau 25. C6 bao nhiéu sb6 nguyén x dé biéu thic f(x) = (3x2 +x—2)% — (x2 —x — 7)% ludén am?
A. 1 B. 0. C. 2. D. 3.

- 4 2 .
@ Cau 26. Cho hai bidu thiic f£(x) = % v g(x)= ——. Tim x d8 f() < ).
A, 2<x<-1. B. 1<x<2. C. x>2. D. -1<x<2.

2 _ B4 _
@ Cau 27. Cho bidu thite f(x) = _5"3 ® Tim mot khoang ciia x dé bidu thic f(x) luén
duong.
A. (2;3). B. (1;2). C. (-1;0). D. (0;2).

160 Suu tam va bién soan



5. DAU CUA TAM THUC BAC HAI WGV: Doan Thinh

. 212
@ Cau 28. Biéu thic f(x) = v —12x+36 luoén Am trén khoang nao?
2x2+9x -5
1
A. (6;+00). B. (%;6). C. (—5; 5) D. (-o0;-5).

@ Cau 29. Cho biéu thic f(x) = (2x% — 6x — 8)(12 — x — x2). Tim mot khodng cia x dé biéu thic
f(x) luon duong.
A. (—4;-3). B. (-3;0). C. (-6;-1). D. (-1;4).

@ Cau 30. Tap xac dinh ctia ham s6 f(x) = V(2 - vV5)x2 + (15 - TVB)x + 25— 10v/5 1a
A. (—o0;1). B. [-5;11. C. [-5;V5]. D. R.

@ Cau 31. Gia tri nao cia m thi phuong trinh (m — 3)x%+(m + 3)x—(m + 1) = 0 (1) ¢6 hai nghiém
phéan biét?

A. m€(—oo;—§)u(1;+oo)\{3}. B. me(—g;l).

C. me(—§;+oo). D. m e R\ {3}.
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@ Cau 32. Tim tap xac dinh cia ham s6 y = v2x2 —5x + 2.

A. (—oo;l}. B. [2;+00). C. (—oo;1
2 2

ul2;+00). D. [%;2].

@ Cau33. Timmdé(m+1)x2+mx+m<0VxeR?
4 4
A. m<-1. B. m>-1. C.m<—§. D.m>§.

@ Cau 34. Tim m dé€ f(x)=x2-2(2m —-3)x+4m —3>0, Vx € R?

3 3 3 3
A, m>—. B. m>-. C. —<m<-—. D. 1<m<3.
2 4 4 2

@ Cau 35. Vdi gia tri nao cta a thi bat phuong trinh ax? - x+a = 0,Vx € R?
1
A. a=0. B. a<0. C.0<as§. D. a=

DN | =

@ Cau 36. Véi gia tri nao ctia m thi bat phuong trinh x% — x +m < 0 vd nghiém?
1 1
A. m<1. B. m>1. C.m<z. D.m>Z.
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¢ Cau 37. Cho f(x)=-2x>+(m +2)x +m —4. Tim m dé f(x) Am vé6i moi a,b,c > 0.

A. -14<m<2. B. -14<m<2.
C. 2<m<14. D. m <-14 hoac m > 2.
1 1 2 . . N
@ Cau 38. Bat phuong trinh ———< c6 nghiém la
-2 x x+2
A. (—2,3_;/ﬁ)u(0,2)u(3+;/_,+oo). B. x¢{-2,0,2}.
C. -2<«x<0. D. 0<x<2.
@ Cau 3 <1la
A. S=(-00,—4)u(— 11)U(4 +00). B. S =(—00,-4).
C. S=(-1,1). D. S =4, +o0).

A. 3<x<5. B. 2<x<3. C. -5<x=<-8.

¢ Cau 40. Bat phuong trinh v—x2 +6x -5 > 8 — 2x ¢6 nghiém la

D. -3<x=-2.
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CHUONG 5/ THONG KE

BAI1.  MOT SO KHAI NIEM CO BAN VE THONG KE

@ TOM TAT LY THUYET
0 BANG PHAN BO TAN SO, TAN SUAT. BIEU PO

(D S6 liéu théng ké
— Mot tap con hitu han céc don vi diéu tra dgl mét mau.
— S6 phan tit cia mot mau dgl kich thudée mau.
Cac gia tri ctia dau hiéu thu dudc trén mau dgl mot mau s6 liéu.
(2) Tan sb ctia mot gia tri 1a s6 1an xuAt hién cta méi gia tri trong méu sb lidu.

3 TAn suit: f; cta gia tri x; 1a ti s6 gifta tan sb6 n; va kich thuéc mau N: f; = %
(thuong viét tﬁp spét dudi dang %).
(4) Bang phan bo tan so va tan suat ghép 16p
Gia tri Tan so Tan suat (%) || Lép Tan so Tan suat (%)
x1 ni f1 [x1;x2) ni f1
x2 na fo [x2;x3) na fo
X ng fr [k ;%k+1) ng fr
N 100% N 100%

(5 Biéu do
— Biéu d6 hinh cot
— Biéu 36 hinh quat
— Pudng ghp khic

€> 5O TRUNG BINH CONG. SO TRUNG VI. MOT

(D S6 trung binh céng:
— V61 mau so0 liéu kich thude N 1a {x1,x9,...,xn5}:

x1t+x9+...+xN
N

— Véi mau sb liéu dude cho béi bang phan bb tan sb:

X =

nixi1+tnoxg+...+npxp
N

X =

— V6i mau s6 liéu dudc cho béi bang phan bb tan sb ghép 16p:

nicit+ngcog+...+npcp
N

X =

_ ci la gia tri dai dién cua I6p thu i.
(2) Mot: Mot cia mot bang phan bo tan so6 1a gid tri ¢6 tan so 16n nhat va dugc ki hiéu
la M.
3 Sé trung vi: Gia st ta ¢c6 mot mau gom N sb liéu dudc sap xép theo thi tu khong
giam (hoac khong tang). Khi do so trung vi M, la:
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— Sb ding gitta néu N 18.
— Trung binh cong ctia hai so ding gitta néu N chan.

Chu y:
— Sb trung binh ctia mAau s6 liéu dude dung lam dai dién cho cac s6 liéu cia méu.
— Néu cac sb liéu trong méu c6 su chénh léch qué 16n thi dung s6 trung vi lam dai
dién cho céc s6 liéu ctia mau.
— Néu quan tam dén gia tri c6 tan s6 16n nhat thi dung mét 1am dai dién. M6t mau sé
liéu c6 thé c6 nhiéu mbt.

(D Dang 1. Bang phdn bd tén sd va tan sudt

Dé lap bang phdn bé tan sé va tan sudt ti bang sé liéu thong ké ban dau, ta thuc hién
cdc budc sau:

(D) Sap thi tu cac gid tri trong cdc sé liéu thong ké.

(2) Tinh tan sé n; clia cdc gid tri x; bang cdch dem s6 lan xi xudt hién.

(3) Tinh tan sudt f; ciia x; theo cong thic f; =
n

(4) Dt cdc sé liéu x;, n;, f; vao bdng ta thu dudc bing phdn bb tan sb va tan sudt.

Vi du 1. Cho s6 liéu théng ké ghi trong bang sau

Thoi gian hoan thanh mot san phdm 6 mét nhém cong nhan (don vi: phit)
42 42 42 42 44 44 44 44 44 45
45 45 45 45 45 45 45 45 45 45
45 45 45 45 45 45 45 45 45 54
54 54 50 50 50 50 48 48 48 48
48 48 48 48 48 48 50 50 50 50

(1) Hay lap bang phan b6 tan sé va tan suat cia bang trén.
(2) Trong 50 cong nhan dude khao sat, nhitng cong nhan c¢6 thoi gian hoan thanh mét
san pham ti 45 phut dén 50 phit chiém bao nhiéu phan tram.

Loi giai:

................................................................................................
................................................................................................

[ Dang 2. Lap bang phan b tén sé va tan sudt ghép 16p

& Tan so cua gid tri x; (hay moét I6p nao do) la so lan xudt hién n; clia x;.

A £ 2 04 n o An .2 S s 4r A X
& Tan suadt cia gid tri x; (hay mot lp nao do) la ti s6 —
Xi

Vi du 1. Nhiét d6 trung binh (don vi: °C) ctia thang 10 6 dia phudng D tu nam 1971
den 2000 dudc cho 6 bang sau
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YWGV: Doan Thinh

271 269 285 274
281 274 274 265
26,8 26,7 29,0 284

29,1 270
27,8 28,2
28,3 274

271 274 28,0 286
276 28,7 27,3 268
270 27,0 28,3 259

Hay lap bang phan bb tan sé va tan suat ghép lép cta bang s6 liéu da cho?

Loi giai:

................................................................................................

................................................................................................

(® 1V LUAN

@ Cau 1. Diéu tra vé tudi nghé ctia 30 cong nhan dugc chon ra tit 150 cong nhan ctia mét nha

may A. Nguoi ta thu dude bang s6 liéu ban dau nhu sau:

72 5 9 7T 4 3
2 4 4 5 6 77
9 4 14 2 8 5 5

3 Ot

10

4
3

SN

Hay 1ap bang phan bb tan s6 va tan suét cia bang trén.

@ Cau 2. Khi diéu tra vé ning suit cia mot gibng lda méi, diéu tra vién ghi lai nang suét
(ta / ha) cua giong lua do trén 40 thita ruéng c6 cung dién tich 1 ha trong bang sau:

30 32 32
40 30 40
38 40 30
40 38 38
34 40 34

34 38
40 34
40 32
34 34
30 38

36
38
30
32
38

38
36
30
32
32

36
36
30
36
32

(1) Hay lap bang phan bb tan sé va tan suat cia bang trén.

(2) Trong 40 thita rudong dudc khao sat, hay cho biét nhiing thita rudng cé ning suit cao

nhat chiém bao nhiéu phan tram.
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@ Cau 3. Cho bang sb liéu théng ké niang suit laa he thu (ta / ha) caa 30 tinh nhu sau:

25 30 25 30 35 35 40 40 45 25
30 30 40 25 45 45 35 25 35 40
35 35 40 40 30 35 35 35 40 30

(1) Hay lap bang phan b6 tan s va tan suat cia bang trén.
(2) Nhan xét vé xu hudng tap trung cia cic so liéu thong ké.

@ Cau 4. Diéu tra vé s6 tién mua sach (don vi: nghin dong) trong mot nam cta 50 sinh vién,
ngudi ta thu dudc bang so liéu thong ké sau

203 37 141 43 55 303 252 758 321 123
425 27 72 87 215 358 521 863 284 279
608 302 703 68 149 327 127 125 489 234
498 968 350 57 75 503 712 440 185 404

98 552 101 612 333 451 901 875 789 202

(1) Tu bang s6 liéu thong ké trén, lap bang phan bd tan sé ghép 16p theo cac 16p [0;99],
[100;199],... [900;999].

(2) Xét top 20% sinh vién dung nhiéu tién dé mua sach nhat. Ngudi mua it nhat trong nhém
nay mua hét bao nhiéu tién?

@ Cau 5. Mot canh sat giao théng ghi téc d6 (don vi: km/h) ctia 30 chiée xe qua tram nhu sau

53 47 59 66 36 69 83 77 42 57 51 60 78 63 46\
63 42 55 63 48 75 60 58 80 44 59 60 75 4963

Hay lap bang phan b tan sb - tan suat ghép 16p gom 6 16p véi do dai mbi doan caa 16p 1a 7.
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@® TRAC NGHIEM

@ Cau 1. Pé diéu tra céc con trong méi gia dinh ctia mét chung cu géom 100 gia dinh. Ngusi
ta chon ra 20 gia dinh 6 tang 4 va thu dudc mau so6 liéu sau day:

44253511231123413232

Kich thuée ctia mau la bao nhiéu?
A. 5. B. 20. C. 4. D. 100.

@ Cau 2. DE diéu tra cac con trong mbi gia dinh ctia mét chung cu gom 100 gia dinh. Nguoi
ta chon ra 20 gia dinh 6 tang 4 va thu dudc mau so6 liéu sau day:

32413511231213411235

DAu hiéu ¢ day la gi?

A. S6 gia dinh 6 tang 4. B. S6 con é méi gia dinh.
C. S6 tang cta chung cu. D. S6 ngudi trong mobi gia dinh.

@ Cau 3. DPé diéu tra cac con trong méi gia dinh ctia mét chung cu gom 100 gia dinh . Ngusi
ta chon ra 20 gia dinh 6 tang 4 va thu dudc mau so6 liéu sau day:

24213511231223411234

C6 bao nhiéu gia tri khac nhau trong méu sb liéu trén?
A. 4. B. 20. C. 10. D. 5.

@ Cau 4. Diéu tra vé dién ning tiéu thu trong mét thang (tinh theo kW-h) caa 30 gia dinh &
mot khu phé A, nguoi ta thu dude mau s6 lidu sau:
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165 85 65 65 70 50 45 100 45 100
100 100 100 90 53 70 141 42 50 150
40 70 84 59 75 57 133 45 65 75

D4u hiéu diéu tra & day 1a gi?

A. Dién nang tiéu thu trong mot thang. B. Dién nang tiéu thu trong mot ngay.
C. Dién nang tiéu thu trong ntta thang. D. Dién nang tiéu thu trong mot nam.

@ Cau 5. Diéu tra vé dién ning tiéu thu trong mot thang (tinh theo kW-h) caa 30 gia dinh &
mot khu phé A, nguoi ta thu dude mau s6 lidu sau:

105 96 65 65 70 50 45 100 45 100
100 100 100 90 53 70 141 42 50 150
40 70 84 59 75 57 133 45 165 175

Tan s6 cta gia tri 100 1a bao nhiéu?
1

A. 5. B. 5 C. 4 D.

| =

@ Cau 6. Diéu tra vé dién ning tiéu thu trong mot thang (tinh theo kW-h) caa 30 gia dinh &
mot khu phé A, nguoi ta thu dude mau s6 lidéu sau:

87 85 65 65 70 50 45 100 45 100

100 89 100 90 53 70 141 42 50 150
40 70 84 59 75 57 133 45 65 U5

Tap hop cac don vi diéu tra ¢ day la gi?
A. La tap hop 30 gia dinh.
B. La khu phd A.
C. La tap hop s6 dién nang tiéu thu.
D. La céc con sb dude cho trong bang s6 liéu trén.
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@ Cau 7. Mot canh sat giao théng ghi toc do (don vi: km/h) ctia 30 chiéc xe qua tram nhu sau

40| 41|41 |80 |40 |52 |52 |52|60 55|60 60|62|55]|55
60 | 6560|6565 |70 7065 |75|75|70 (55|70 |41 | 65

Tim tit ca cac toc do c6 tan suat 16n nhéat.
A. 41 km/h va 52 km/h. B. 55 km/h va 70 km/h.
C. 60 km/h va 65 km/h. D. 62 km/h va 80 km/h.

@ Cau 8. Mot canh sat giao thong ghi tée d6 (don vi: km/h) ctia 30 chiée xe qua tram nhu sau

4041|4180 |40 |52 |52 |52|60|55|6060|62|55|55
6065|6065 |65 |70(70 65|75 75|70 55|70 41 | 65

Nhitng téc d6 nao sau day c6 tan suat l1a 3,3%?
A. 41 km/h va 52 km/h. B. 55 km/h va 70 km/h.
C. 60 km/h va 65 km/h. D. 62 km/h va 80 km/h.

@ Cau 9. Tudi tho ctia 30 béng den dudce thip thit (don vi: gio) c6 két qua nhu trong bang sau

1180 | 1179 | 1187 | 1190 | 1187 | 1198 | 1179 | 1178 | 1185 | 1184
1178 | 1180 | 1185 | 1179 | 1180 | 1198 | 1179 | 1198 | 1178 | 1191
1185 | 1184 | 1179 | 1180 | 1184 | 1198 | 1180 | 1178 | 1179 | 1178

Tim tudi tho cia béng dén c6 tan suat 16n nhét.
A. 1187 gio. B. 1179 gio. C. 1185 gio. D. 1191 gio.

@ Cau 10. Tudi tho cta 30 béng den dude thap thi (don vi: gid) c6 két qua nhu trong bang
sau
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1180 | 1179 | 1187 | 1190 | 1187 | 1198 | 1179 | 1178 | 1185 | 1184
1178 | 1180 | 1185 | 1179 | 1180 | 1198 | 1179 | 1198 | 1178 | 1191
1185 | 1184 | 1179 | 1180 | 1184 | 1198 | 1180 | 1178 | 1179 | 1178

Tim tat ca tudi tho ctia bong den c6 tan suat nhé nhét.
A. 1189 gio va 1184 gio. B. 1179 gio va 1187 gio.
C. 1185 gio va 1178 gio. D. 1190 gic va 1191 gio.

@ Cau 11. Diéu tra thoi gian hoan thanh mét san phdm cta 20 c6ng nhan, ngudi ta thu duge
mau s6 liéu nhu sau (don vi: phit).

10112 113 15|11 |13 |16 |18 |19 |21
23121 |15|17 |16 |15 |20 |13 |16 | 11

Thoi gian hoan thanh san pham 1a 11 phit thi chiém bao nhiéu phan tram?
A. 10%. B. 11%. C. 12%. D. 13%.

@ Cau 12. Dé diéu tra thoi gian hoan thanh mét san phim ca 20 cong nhan, ngudi ta thu
dudc mau so liéu nhu sau (don vi: phuat).

101213 |15 |11 |13 |16 |18 |19 | 21
23121 |15|17 |16 |15 |20 |13 |16 |11

Thoi gian hoan thanh san phdm ngan nhéat chiém bao nhiéu phan tram?
A. 6%. B. 5%. C. 7%. D. 9%.

@ Cau 13. Diéu tra s6 con trong gia dinh & mét chung cu 100 gia dinh. Ngusi ta chon 20 gia
dinh & 1au 2 dude mAau sb6 liéu nhu sau

2/4|3|1
11223

DN
w
w
Ot
—
DN

N
—
—
(JV]
[\]
~
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Gia dinh c6 3 con chiém bao nhiéu phan tram trong s6 20 ho?
A. 15%. B. 25%. C. 35%. D. 45%.

@ Cau 14. Diéu tra sb con trong gia dinh ¢ mot chung cu 100 gia dinh. Ngudi ta chon 20 gia
dinh & 1au 2 dude mau s6 liéu nhu sau

2/14|3[1]2|3|3|5]1]2
1(12/2/3(4/1/1,3|2|4

Gia dinh c6 déng con nhat chiém bao nhiéu phan triam trong s6 20 ho?
A. 5%. B. 15%. C. 25%. D. 35%.

@ Cau 15. Diéu tra vé dién ning tiéu thu dién trong 1 thang ctia 16 ho ngudi ta thu dudc
mau s0 liéu nhu sau (don vi: kW -h).

80| 75| 110 | 89 |76 | 75| 80 | 120
98 | 76 | 130 | 100 | 80 | 75 | 75 | 75

Pién nang tiéu thu nao sau day c6 tan sut la 31,25%?
A. 76 kW -h. B. 80 kW-h. C. 75 kW-h. D. 100 kW -h.

@ Cau 16. Diéu tra vé dién ning tiéu thu dién trong 1 thang ctia 16 hé ngudi ta thu dudc
mau so liéu nhu sau (don vi: kW-h).

80| 75| 110 | 89 |76 | 75 | 80 | 120
98 | 76 | 130 | 100 | 80 | 75 | 75 | 75

Pién ning tiéu thu nao sau day c6 tan suat la 18,75%?
A. 76 kW-h. B. 80 kW -h. C. 75 kW -h. D. 100 kW-h.
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@ Cau 17. Mot nha nghién ctu ghi lai tudi ctia 40 bénh nhan bi dau méat hét véi s6 liéu thong
ké nhu bang sau

17 118 116 | 21 |18 |21 | 13 |25 | 17 | 18
221162322 |17 |22 |16 | 25 | 23 | 22
18123118116 |21 |23 |18 |25 |14 |21
2111821 |19 |25 |16 |17 |18 | 16 | 23

Bénh nhan 16n tuéi nhat chiém bao nhiéu phan tram trong s6 40 bénh nhan?
A. 5%. B. 10%. C. 15%. D. 20%.

@ Cau 18. Mot nha nghién cttu ghi lai tudi ctia 40 bénh nhan bi dau mét hét véi s6 liéu thong
ké nhu bang sau

17 118 116 | 21 |18 |21 | 13 |25 | 17 | 18
22116 |23 |22 |17 |22 |16 | 25 | 23 | 22
18123118 116 |21 |23 |18 |25 |14 |21
2111821 |19 |25 |16 |17 |18 | 16 | 23

Bénh nhan nhé tudi nhét chiém bao nhiéu phan tram trong sé6 40 bénh nhan?
A. 2,5%. B. 5%. C. 10%. D. 15%.

@ Cau 19. S6 hoc sinh giéi ctia 30 16p & trudng trung hoc phd théng A dudce cho 6 bang s6 liéu
sau

12 /31,6 |5 |5 [4]10]11
2/11/0|6] 2|0 |11 ,0| 4|5
610201110 7 (6| 6 | 2

Lép khong ¢6 hoc sinh giéi chiém bao nhiéu phan tram trong s6 30 16p?
A. 13,3%. B. 6,7%. C. 16,7%. D. 10%.
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@ Cau 20. S6 hoc sinh giéi ctia 30 16p 6 trudng trung hoc phé thong A dude cho & bang sb liéu

sau
1,2 |3|1|6 |5 |5 (41011
21106 2 | 0 (11|04 | 5
610201110, 7 |[6| 6 | 2
L6p c6 10 hoc sinh giéi chiém bao nhiéu phan tram trong s6 30 16p?
A. 13,4%. B. 13,3%. C. 12%. D. 6%.
@ Cau 21. Cho bang phan bé tan s6 ghép 16p sau
Lop [160;162] | [163;165] | [166;168] | [169;171] | [172;174] | Cong
Tan s6 6 12 10 5 3 n=36
Tinh d¢ dai ctia mdi 16p.
A. 36. B. 161. C. 5. D. 2.
@ Cau 22. Cho bang phan bb tan s6 ghép 16p sau
Lép | (1,101 | [11;20] | [21;30] | [31;40] | [41;50] | Cong
Tansé | 10 5 6 3 12 | n=36

Tinh gi4 tri dai dién 1an lugt ctia méi 16p.
A. 55:155:255:355: 455,

B. 10;5;6;3;12.
C. 1;11;21;31;41.

D. 10;20;30;40; 50.
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@ Cau 23. Tudi cac hoc vién cia mot 16p hoc tiéng Anh budi t6i 6 mét trung tam dude ghi lai
trong bang tan so ghép 16p bén duéi. Tinh kich thuéc mau n.

Lép | [15;19] | [20;24] | [25;29] | [30;34] | [35;39] | Cong
Tan sb 10 12 14 9 5
A. n=39. B. n=50. C. n=24. D. n=5.

@ Cau 24. Két qua ctia mot ki thi tiéng Anh ctia 32 hoc sinh dude cho bdi bang phan bb tan
s6 bén canh (thang diém 100). Tinh x.

Lop [40;50) | [50;60) | [60;70) | [70;80) | [80;90) | [90;100] | Cong
Tan s6 4 6 X 6 3 2 n =232
A, x=11. B. x=65. C. x=10. D. x=9.

@ Cau 25. Nhiét d6 trung binh (don vi: °C) cia thang 5 6 dia phuong A tit ndm 1961 dén
1990 dudc cho 6 bang sau

271 26,9 285 27.4 291 27,0 27,1 27,4 28,0 28,6

28,1 27,4 274 26,5 27,8 28,2 27,6 28,7 27,3 26,8
26,8 26,7 29,0 28,4 28,3 27,4 27,0 27,0 28,3 25,9

Trong 4 bang sau day, bang nao 1a bang phan bb tan s6 ghép 16p ctia bang sb liéu da cho?

Lop | Tan so Lép | Tan sé
[25;27) 6 [25;27) 7
A. | [27;29) 21 B. | [27;29) 21
[29:31] 3 [29:31] 2
Cong | n=30 Cong | n=30
Lép | Tan sb Lép | Tan sbé
[25;27) 7 [25;27) 6
C. | [27;29) 22 D. | [27;29) 22
[29;31] [29;31] 2
Cong | n=30 Cong | n=30
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@ Cau 26. Thanh tich chay 50 m (don vi: gidy) ctia hoc sinh 16p 10A & mot truosng THPT dudc
cho 6 bang phan bb tan suat sau

Lép Tan suat (%)
[6,0; 6,5) 6,06
[6,5; 7,0) 15,15
[7,0; 7,5) 30,30
[7,5: 8,0) 97,27
[8,0; 8,5) 12,12
[8,5; 9,0] 9,10

Cong 100 (%)

Trong 16p 10A, s6 hoc sinh chay 50 m hét tit 7 gidy dén dudi 8,5 gidy chiém bao nhiéu phan
tram?
A. 1212%. B. 90,90%. C. 69,69%. D. 84,84%.

@ Cau 27. Gia ban 80 16 dat (don vi: triéu dong) dudc ghi lai trong bang phan bb tan sbé ghép

16p sau
Lép Tan s6
[79,5; 84,5) 5
[84,5; 89,5) 10
[89,5; 94,5) 15
[94,5; 99,5) 26

[99.,5; 104,5) 13

[104,5: 109,5) | 7

[109,5; 114,5] 4
Cong n =380

Tinh tan suét caa 16p [94,5; 99,5) (1am tron mot chit sé thap phan).
A. 32,5%. B. 24,8%. C. 26,0%. D. 56,0%.
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@ Cau 28. Gia ban (don vi: nghin dong) 120 mat hang & mét ctta hang dudce théng ké trong
bang tan suat ghép 16p sau

Lop [40;49] | [50;59] | [60;69] | [70;79] | [80;89] | Cong
Tan suat (%) | 5,00 | 10,00 | 31,67 | 38,33 | 15,00 | 100

O ctia hang nay, c6 bao nhiéu mat hang c6 gia ban tit 60 nghin dong dén 79 nghin dong?
A. 84. B. 70. C. 39. D. 46.

@ Cau 29. Thong ké diém kiém tra mot tiét chuong 5 moén Toan ctia 35 hoc sinh 16p 10A, thay
phd diém roi vao 5 gia tri khac nhau la 5, 6, 7, 8, 9, 10. Biét ring s6 diém 8 chiém 20%, tinh sb
hoc sinh dat 8 diém.

A. 5. B. 6. C. 8. D. 7.

@ Cau 30. Diéu tra s6 con trong méi gia dinh ctia n ho gia dinh thay c6 8 ho gia dinh c6 2 con
va chiém ti 1é 40%. Tim n.
A. n=20. B. n=5. C. n=40. D. n=32.

@ Cau 31. S6 liéu thong ké qua diéu tra dau hiéu X, dudce cho nhu trong bang sau

Gié tI‘i déu hiéu (X) X1 X9 X
Tan so ni|ng |- | ng

Khang dinh nao sau day luén ding?
A. Dau hiéu X co6 tat ca 3 gia tri khac nhau.
B. DAu hiéu X c6 tat ca n gia tri.

178 Suu tam va bién soan



1. MOT SO KHAI NIEM CO BAN VE THONG KE

YWGV: Doan Thinh

C. So cacgia triciadau hieu X lani+ng+---+nyp.

D. So cac gia tri cia dau hiéu X 1a x; +xo +--- + x3.

@ Cau 32. Sb liéu théng ké qua diéu tra dau hiéu X, dude cho nhu trong bang sau

Lép gia tri dau hidu (X)

[x1;x2)

[x2;x3)

[xp—1;x%]

Tan so

ni

na

ng

Khang dinh nao sau day luén ding?

A. Diu hiéu X c6 céc gia tri dudc chia thanh 3 16p.

B. D4u hiéu X c6 céc gia tri dudc chia thanh x;, 16p.
C. Dau hiéu X c6 cac gia tri dudc chia thanh n; 16p.
D. DAu hiéu X c6 cac gia tri dugc chia thanh % — 1 16p.

@ Cau 33. DPiéu tra diu hiéu X, ngudi ta chon mét mau kich thuéc N va thu dude sé liéu

th6éng ké nhu trong bang sau

Gia tri dau hiéu (X) | x;

X2

Xk

Tan so

ni

na

ng

Khang dinh nao sau day luén ding?

A. ni+ng+---+np=N.
C. ni+ng+---+x,=N.

B. x1+x9+---+x;=N.
D. ni+x9+---+np=N.

@ Cau 34. Cho bang phan bb tan suét ghép 16p sau
Thoi gian ban A di ti nha dén truong trong 30 ngay

Lép thoi gian (phut)

[19;21)

[21;23)

[23;25)

[25;27] | Cong

Tan suat (%)

16,67

33,33

26,67

23,33 | 100%
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Biéu do6 nao sau day la biéu do6 tan suat hinh cot vé thoi gian di tit nha dén trudng ctia ban A

trong 30 ngay?

Tén suit

Tan suit

3383 - - ———————— 3383 4+ - — — - ———— — — —
26,67+ - —————————— 26,67 - ————————— -
2383+ - ————————— - 2383 f - —————————
16,67 - - - - - - - -~ 77777 1667 - - - -----~- 77777
022527 7000
10 (v 77777 10 11777
020057 20500
Y 20000
i 7
—PH —R X
A o 1 19 21 23 25 27 Thoi gian B [0 1 19 21 23 27 Thai gian
. .
Tén suét Tén suét
3333 f ——————-———— 3383+ - ————— -
1 | 25
20000
26,67+ - ——— - — - - 26,67 & - ——— - — - — 5
2333 L — ——— - - — - A = 2333 L - ——— - — - — 22
022577 70000
T (225 T 5552
16,67 + — = — — = — — — S == 16,67 & — = — — = — — — 522
oy N 7000
2225707 20007
0} i 0} 7
225 5555
Y 70000
050507 by 70050
—F—H-t — '
C o 1 19 21 Thoi gian D o 1 19 21 Thoi gian
. .
@ Cau 35. Cho bang phan bb tan suat ghép 16p sau
Thoi gian ban st dung ctia 1 béng den trong 30 ngay
Lép thoi gian (phut) | [190;210) | [210;230) | [230;250) | [250;270] | Cong
Tan suat (%) 15 40 25 20 100%

Truc nam ngang cua biéu do6 tan suit hinh cot vé thoi gian st dung cia 1 béng den trong 30

ngay biéu dién gia tri gi?
A. Tan sb.
C. Tan suét.

B. S6 ngay stt dung.
D. Thoi gian st dung trong 1 ngay.

@ Cau 36.

Cho bang phan bb tan suit ghép 16p sau

S6 hop m§ pham ban dudc trong 30 ngay ciia ctia hang A

So6 san pham (c4i) | [100;120) | [120;140) | [140;150) | [150;160] | Cong
Tan suat (%) 13 37 30 20 100%
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Truc ding cta biéu d6 tan suat hinh c6t vé s6 hop m§ phdm ban dudc trong 30 ngay cta clia
hang A biéu dién gia tri gi?

A. Tan sb6. B. S6 my phdm ban dudc trong mot ngay.

C. Tan suét. D. S6 ngay.

@ Cau 37. Cho biéu db tan suat hinh cot vé thoi gian (giay) ban A chay 100 m trong 20 lan
nhu hinh vé
Tén suét

0+ ---—--------

25 1

20 1

15 1

(o]

Thoi gian

Thoi gian ban A chay 100 m tit 11 gidy dén duéi 11,5 gidy c6 tan suat 1a bao nhiéu?
A. 15%. B. 20%. C. 25%. D. 40%.

@ Cau 38. Cho biéu do6 tan suat hinh cot vé thoi gian (phit) khach hang st dung may tinh s6
10 trong 30 ngay cia mét quan NET nhu hinh vé

Tan sudt
30+ -----------
26,67 1
23,33 |
20 1

o 15 60 90 120 150 180 Thoi gian

Thoi gian khach hang s dung may tinh s6 10 ¢6 tan suét cao nhat nam trong khoang nao sau
day?

A. Tu 60 phut dén dudi 90 phut. B. Tu 90 phuat dén duéi 120 phait.

C. Tu 120 phut dén duéi 150 phit. D. Tu 150 phat dén duéi 180 phut.
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@ Cau 39. Cho biéu do tan suat hinh cot ve tién dién (nghin dong) phai tra hang thang caa
ho gia dinh X trong mét nam nhu hinh vé

Tan sudt

3333+ - ——— - — - -

26,67+ - ——— - — - —
2383 & - ——— - — - -

1667 - —————— -

10 T

—F—Ht
o| 15

Tién dién
S6 tién dién ma ho gia dinh X phai tra hang thang c¢6 tan suét thidp nhit ndm trong khoang
nao sau day?
A. Tu 190 nghin dong dén duéi 210 nghin dong.
. T 210 nghin dong dén dudi 230 nghin dong.
. T 230 nghin dong dén duéi 250 nghin dong.
. T 250 nghin dong dén duéi 270 nghin dong.

caw

@ Cau 40. Cho biéu d6 tan suat hinh cot vé tién nudc (nghin dong) phai tra hang thang caa
ho gia dinh X trong mét nam nhu hinh vé

Tén suét

33,33 1

26,67 -
23,33 1

16,67 1

10 +

I I v =
o] 10 80 100 120 140 160  Tidn nudc

S6 tién nude ma hod gia diph X phai tra hang ichéng nam trong khoang nao sau day?
A. Tu 80 nghin dong dén duédi 100 nghin dong.
B. T 100 nghin déng dén duéi 120 nghin dong.
C. T 80 nghin dong dén duéi 140 nghin dong.
D. Tu 80 nghin dong dén 160 nghin dong.
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@ Cau 41. Cho biéu d6 tan suét hinh c6t vé thoi gian (phit) ban A di tit nha dén trudng trong
30 ngay nhu hinh ve
Tan suét

3383+ - ——— - — - -

26,67+ — — — — — — — —
23334+ - — — — - — -

1667 —————— -

10 +

—F—Ht +
o 1 19 21 23 25 27 Thoi gian

Thoi gian ban A di tit nha dén trudng nam trong khoang tit 21 dén duéi 23 phit cé tan suat it
hon thoi gian ban A di tit nha dén trudng nam trong khoang tit 19 dén dudi 21 phit bao nhiéu
phan tram?

A. 16,66%. B. 16,67%. C. 23,33%. D. 33,33%.

2.

~

@ Cau 42, Cho cac s6 liéu théng ké dudc /% i trong bang sau

Thot gian hoan thanh moét san pham é mot nhom cong nhan (don vi: phut)
31413467810
213514132 |4]| 7
213/4/6|(5[7|8]| 5

Tinh thoi gian (1am tron dén 2 chit s6 sau dau phdy) trung binh hoan thanh mét san phdm
ctia nhém céng nhan do.
A. =523 B. £=6.79. C. x=4.79. D. =379,

@ Cau 43. Cho cac sb liéu tk ong ké udc ghi trong bang sau, )
iém kiém tra 45' mon toan cua 30 hoc sinh ldp 11A1
1/2/6(5/8/8/9|10|6|5
218|7|/5|5[4[9|10|3 |4
3|6(4/2|1|7/8|7|2]|1
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1. MOT SO KHAI NIEM CO BAN VE THONG KE WGV: Doan Thinh

Tinh gan ding (Iam tron dén 2 chit s6 sau dau phdy) s6 trung binh coéng x diém ctia 30 hoc
sinh noi trén.
A. x=5,27. B. x~6,27. C. x=4,27. D. x=1727.

@ Cau 44. Cho céc s6 liéu théng ké dudc ghi trong bang sau

Diém kiém tra 45' mén todn ctia 30 hoc sinh l6p 11A1
1/2/6/5/8[8[9/10(6|5
218|7|/5(5/4]9|10|3 |4
3|6(4|2|1|7/8|7|2]|1

Tim s6 trung vi M, diém ctia 30 hoc sinh néi trén.
A. M,=3. B. M,=4. C. M,=5. D. M, =6.

@ Cau 45. Sb 40 ban dudc cia mot cita hang dude cho bdi bang sau

Cdao | 36|37 ] 38 | 39 | 40 | 41 | 42 | Cong
Tansé | 13 | 45 | 126 | 110 | 126 | 40 | 5 | 465

Tinh s6 trung vi M, ctia 40 ban dudc trong ctia hang doé.
A. M,=3r1. B. M, =38. C. M, =39. D. M, = 40.

@ Cau 46. Cho biét tinh hinh thu hoach lia 6 xa A dudc thong ké nhu sau

Lang A B C D E
Dién tich trong laatha) | 150 | 130 | 120 | 110 | 160
Nang suat lua(tasha) | 40 | 45 | 38 | 35 | 30

Tinh néng suat trung binh & (Jam tron dén chit s6 thit hai sau dau phdy) caa xa dé.
A. x=37,40. B. x=238,05. C. x=36,36. D. x=39,50.
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@ Cau 47. Bang sb liéu sau day théng ké thoi gian hoan thanh san phdm 6 mét nhém cong
nhan

Thoi gian(phut) | 42 | 44 | 45 | 48 | 50 | 54
Tan so 3 12|13 |11| 6 | 5

Tinh gia tri trung binh % (1am tron dén hai chit s6 sau dau phdy) vé thoi gian hoan thanh mét
san pham ctia nhém céng nhan dé.
A. x=46,74. B. x=45,74. C. x=47,74. D. x=44,74.

@ Cau 48. Bang s6 liéu sau day thong ké thoi gian hoan thanh san phdm 6 mot nhém cong
nhan

Thoi gian(phut) | 42 | 44 | 45 | 48 | 50 | 54
Tan so 3 12|13 |11| 6 | 5

Tinh sb trung vi M, vé thoi gian hoan thanh mot san phdm ctia nhém cong nhan dé.
A. M,=47. B. M, =44. C. M, =46. D. M, =45.

@ Cau 49. Khdi lugng 30 qua triing ga dude cho bdi bang sau

Khoi luong(g) | 25 | 30 | 35 | 40 | 45 | 50 | Cong
Tan s6 3/5/10/6 |4 2] 30

Tinh s6 trung binh % (1am tron dén chit s6 thi hai sau dau phéy) ctia bang néi trén.
A. x=36,5. B. x=35,. C. x=37,5. D. x=34,5.
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@ Cau 50. Khdi lugng 30 qua tring ga cta dude cho béi bang sau

Khoi luong(g) | 25|30 | 35|40 | 45 | 50 | Cong
Tan s6 35|10/ 6 |4 2] 30

Tinh s6 trung vi M, ctia bang néi trén.
A. M, =30. B. M, = 35. C. M, = 40. D. M, = 45.

@ Cau 51. Bang xép loai hoc luc ctia hoc sinh 16p 11A2 trusng THPT Béc Thing Long ndm
hoc 2012 -2013 dudc cho nhu sau

Hocluc | Kém | Yeu | Trung Binh | Kha | Giéi | Tong
Didm | [0:3) | [3:5) | 15:65) | 16,5:8) | [8:10]
So6 hoc sinh 3 12 13 11 6 45

Xac dinh s6 trung binh & diém cta 45 hoc sinh néi trén
A. ©=58. B. i=5p5. C. z=6,0. D. z=5.

@ Cau 52. Cho mot mau s6 liéu duéi dang bang phan b tan s6. Ménh dé nao duéi day la
ménh dé dung?

A. Mbt cta mau s6 liéu 1a gia tri c6 tan s6 nhé nhat.

B. M6t ctia mau s6 lidu 1a gia tri ¢6 tan s6 16n nhét.

C. M6t cia mau s6 lidu 14 gia tri 16n nhat trong mau s6 liéu.

D. M&bi mau sb liéu chi c6 duy nhat mét mét.

@ Cau 53. Diéu tra tién luong (nghin dong) hang thang cta 30 céng nhan cta moét xudng
may, ta c6 bang phan bo tan so sau
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Tién luong | 300 | 500 | 700 | 800 | 900 | 1000 | Cong
Tan so 3 5 6 5 6 5 30

Tim tit ca cdc mot My ctia bang phan bd tan sé da cho.
A. Mo =300. B. My = 1000.
C. M} =800 va MY =1000. D. M} =700 va MY =900.

@ Cau 54. Tien thuéng (triéu dong) cho 43 can bo va nhan vién trong cong ti X duge thong
ké nhu sau

(9}
o2}

Tién thuéng | 2 | 3 | 4 Cong
Tan so 5[15|/10|6 |7 | 43

Mot My ctia bang phan bb tan s6 da cho la
A. Mgp=2. B. My =3. C. My =5. D. My =6.

@ Cau 55. Tudi ciia 169 doan vién tai mot khu dan cu duge théng ké béi bang phan bb tan sé
sau

Tuéi | 18] 19 ] 20| 21| 22 [ Céng
Tansb | 10 | 50 | 70 | 29 | 10 | 169

Tinh mét Mo ctia bang phan bb tan sé da cho.
A. My =18. B. My =22. C. My =20. D. My =19.

@ Cau 56. Mot ctia hang ban quan 4o théng ké s6 40 so mi nam da ban ra trong mét quy theo
cac c6 khac nhau va c6 dudc bang phan bo tan so sau

Cd ao 36 | 37| 38 | 39 | 40 | 41 | 42
S0 4o ban duge | 13 | 45 | 110 | 184 | 126 | 40 | 5
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Mot M ctia bang phan bb tan s6 da cho la

A. Mo =42. B. Mo =39. C. My =38. D. My =36.

@ Cau 57. Két qua cta 100 hoc sinh du ki thi hoc sinh giéi Toan (thang diém 1a 20) dude cho

trong bang sau day
Piéem [9]10]11[12|13]14]15]16] 17|18 19
Tanso|1| 1 | 3 |5 | 8 1319|2414 |10 | 2

Mbt My cta bang s6 liéu théng ké da cho 1a

A. My=9. B. Mo =19. C. Mo =15. D. Mo =16.

@ Cau 58. Ngudi ta da tién hanh tham do ¥ kién ctia khach hang vé cac méu 1,2,3,4,5 caa
mot loai san pham méi dude san xuat 6 nha may X. Dudi day la bang phan bo tan so theo so
phiéu tin nhiém danh cho cdc mau ké trén.

Mau 1 2 3 4 |5| Cong
Tan so | 2100 | 1860 | 1950 | 2000 10000

Trong san xuat, nha may nén uu tién cho mau nao?

A. Miu 1. B. Miu 3. C. Mau 4. D. Mau 5.
@ Cau 59. Cho bang phan bb tan suét
Giatri | 0 1 2 3 4 5 6 7 8 [ Cong
10% | 10% | 3,3% | 100%

Tan suat | 6,6% | 10% | 16,6%| 16,6%| 13,3%| 13,3%

Tinh mt Mo ctia bang sb liéu théng ké da cho.
A. My =8.
C. M) =4va M2 =5,

(1) _ 5 (2 —
B. M =2vaM? =3,
D. Mo =1.
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@ Cau 60. Tudi ctaa top 20 van dong vién gianh dudc nhiéu huy chuong nhat cho doan Thé
thao Viét Nam tai SEA Games 29 dudc thong ké trong bang so liéu sau

21 21 20 24 26 22 24 26 24 25
26 24 29 20 24 31 22 25 15 26

Mot My ctia bang s6 liéu da cho 1a
A. My =15. B. My =31. C. Mo =24. D. My =26.
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2. PHUONG SAI PO LECH CHUAN WGV: Doan Thinh

BAI2. PHUONG SAI DO LECH CHUAN

@ TOM TAT LY THUYET
0 DINH NGHIA

P& do mic do chénh léch (d6 phan tan) gitta cac gia tri ciia mau s6 liéu so véi s6 trung
binh ta diung phuong sai s? va dé léch chuén s = v's2.
W V6i mau s6 liéu kich thuée N 1a {x1,x2,...,.xn}:

(ci, ni, f; 1a gia tri dai dién, tan so, tan suat cta 16p thi I; N 1a so cac so liéu thong ké
N=ni+ng+..+ny.

Chuy:
& Phuong sai va do léch chuén cang 16n thi d6 phan tan cta céc sb liéu thong ké
cang lén.

& Phuong sai s2 va d6 léch chudn s déu dudc dung dé danh gia mic dé phan tan
cua cac so liéu thong ké (so véi so trung binh cong). Nhung khi can cha y den don
vi do thi ta dung s vi s ¢6 cung don vi do v6i dau hiéu dudc nghién cau.
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2. PHUONG SAI PO LECH CHUAN WGV: Doan Thinh

€ CACDANG TOAN

s "

[ Dang 1. Tinh phuong sai va dé 1éch chudn clia béng sé liéu KHONG ghép 16p

2

Dé tinh phuong sai s? ciia mét mdu s lidu {x1;x9;...;xn} ta thuc hién cdch sau:

. 1
(D) Tinh so trung binh:x = NZﬁlxi.
(2 Tinh cdc dé léch: x; —x, i =1,N.
1 N
Tinh cdc phuong sai theo cong thiic — Y. (x; — x)?
©) phuong g e
i=1

Tinh do6 léch chudn s: Do léch chudn s bdng cdn bdc hai ciia phuong sai.

Vi du 1. San lugng laa (don vi la ta) caa 40 thia rudong thi nghiém c6 cung dién tich
dudc trinh bay trong bang tan so duéi day:

San lugng (x) | 20 | 21 [ 22 [ 23 [ 24
Tansb(n) | 5 | 8 | 11|10 6

2
I

40

(1 Tinh san lugng trung binh ctia 40 thita ruéng?
(2) Tinh phuong sai va d6 1éch chuén.

Lai giai:

................................................................................................

(3 Dang 2. Tinh phwong sai va dé 1éch chudn ciia bang sb liéu ghép 16p

Cong thuc:
1
§? = ~ [n1(c1— %)% +na(ca—%)+-+nyp(cp —%)?]
trong dé ci; ni; fi lan luct la gid tri dai dién, tan sb, tan sudt cia lop thic i; ¢; dudc
tinh bang trung binh cong cua 2 gia tri dau mut cua lop i, n la so cdc so liéu thong ké
(n=ni1+ng+...+np), x la so trung binh céng cia cdc so trong so liéu thong ké da cho.
Do léch chudn s dudc tinh béi cong thic s = Vs2.

Vi du 1. Cho bang phan b tan sb ghép 16p sau

Do dai ctia 60 1a duong xi truéng thanh

Lép cua do dai (ecm) | Tan so
[10;20) 8
[20;30) 18
[30;40) 24
[40;50] 10

Cong 60

Tinh phuong sai va d6 léch chuén cia bang phan b tan sé ghép 16p da cho.
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N, 2 e
Loi giai:
:
................................................................................................

(® 71U LUAN
@ Cau 1. 100 hoc sinh tham gia ki thi hoc sinh giéi toan (thang diém la 20). Két qua dudc
cho trong bang sau:

Diém [9]10|11]12[13|14[15]16 |17 ] 18] 19
Tanso |1| 1 (3 |5 |8 |13/19|24|14|10| 2 | N=100

(@) Tinh s6 diém trung binh.
(2) Tinh phuong sai va dé léch chuén.

@ Cau 2. Két qua thi két thic hoc ki mot ciia ban Hoa dudc ghi lai trong bang sau:

Van | Dia | Ly | Héa | Toan | Anh van
6,0 | 8,0 | 75| 85 | 7,0 7,5

Tim sb trung binh, phuong sai va d6 léch chuén.

@ Cau 3. Trong s6 theo déi ban hang 6 mét cta hang ban xe may c¢6 bang sau:

So xe bantrongngay |0 | 1 | 2 | 3 |45
Tan so 211311512 |7 3

Tim sb xe trung binh ban dudc trong ngay. Tim phuong sai va do léch chuén.
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@ Cau 4. Theo doi s6 bao xi mang ban ra trong 22 ngay tai mét cita hang ban vat liéu xay

dung ta c6 bang sau:

47 54 43 50 61 36 65 54 43 50 62
59 36 45 45 33 53 67 21 45 50 36

Tim sb trung binh. Tim phuong sai va d6 1éch chuén.

@ Cau 5. Cho bang phan b tan sé ghép 1ép sau

Khdi ludng ctia 30 ctia khoai tay

Lép caa khoi lugng (g) | Tan so
[70;80) 3
[80;90) 6
[90;100) 12
[100;110) 6
[110;120) 3
Cong 30

Tinh phuong sai va d6 1éch chuén ctia bang phan b tan s6 ghép 16p da cho.

@ Cau 6. Cho bang phan bo tan suat ghép 16p sau

Chiéu cao ctia 35 cay bach dan

Lép caa chiéu cao (m) | Tan suat (%)
[6,5,7,0) 5,7
[7,0;7,5) 114
[7,5;8,0) 25,7
[8,0;8,5) 31,4
[8,5;9,0) 17,2
[9,0;9,5) 8,6

Cong 100

Tinh phudng sai va do léch chuén ctia bang phan bb tan suat ghép 16p da cho.
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2. PHUONG SAI PO LECH CHUAN WGV: Doan Thinh

@® TRAC NGHIEM

@ Cau 1. Khang dinh nao dudi day diung khi néi vé phuong sai va d6 léch chuin?

A. Phuong sai va d6 1éch chuén ctia mau sb liéu dude dung lam dai dién cho céc sb6 liéu cta
mau. N6 13 mét s6 dic trung quan trong ctia mau sé liéu.

B. Phuong sai va d6 léch chudn dudc dung 1am dai dién cho tan sb. N6 1a mot s6 dac trung
quan trong cta tan sb.

C. Phuong sai va do léch chudn do mtc do phan tan ctia cac sb liéu trong mau quanh sb
trung binh. Phuong sai va do léch chudn cang 16n thi d6 phan tan cang nhé.

D. Phuong sai va d6 1léch chudn do mic do phan tan cta cac sb liéu trong mau quanh sb
trung binh. Phuong sai va do léch chuén cang 16n thi d6 phan tan cang 16n.

u 2. Cho day s6 liéu théng ké: 1,2,3,4,5,6,7. Phuong sai ctia cac s6 liéu thong ké da cho

Sl

Ca
A. 1 B. 2. C. 3. D. 4.

@ Cau 3. San ludng lda (don vi 14 ta) ctia 40 thita rudéng thi nghiém cé cung dién tich dudc
trinh bay trong bang tan so6 sau day.

San lu’(_ing (x) 20 21 22 23 24
Tan sé (n) 5 8 11 10 6 N =40
Tinh d6 léch chuén.
A. s=~123 (ta). B. s~124 (ta). C. s= 125 (ta). D. s~ 126 (ta).
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@ Cau 4. Tién thudng (don vi 1a triéu dong) cho can bd va nhan vién trong mét cong ty dudc
trinh bay trong bang phan bo tan so sau day.

Tién thudng (x) 2 3 4 5 6 Cong
Tan s6 5 15 10 6 7 43
Tinh d¢ léch chuén.
A. s~123 (triéu dong). B. s~ 124 (triéu dong).
C. s=125 (triéu dong). D. s~ 126 (triéu dong).

@ Cau 5. Bang sau day trich tir s6 theo doi ban hang ctia mét ctta hang ban xe may.

Sé xe ban trong ngay 0 1 2 3 4 5
Tan s6 2 13 15 12 7 3
Tinh d6 1éch chuan.
A. s=~125 (xe). B. s=126 (xe). C. s=127 (xe). D. s~ 128 (xe).

@ Cau 6. Két qua thi mon Ngit vin ciia mot truong Trung hoc phé thong dude cho trong bang
tan so sau day.

Diém thi 5 6 7 8 9 10 Cong
Tan sb 3 7 12 14 3 1 40
Tinh d6 1éch chuan.
A. s=1]11 (diém). B. s~ 1,12 (diém). C. s~113 (diém). D. s=~1,14 (diém).

@ Cau 7. Nguoi ta phan 20 con ca me thanh 4 16p dua trén khdi lugng cia ching (don vi 1a
kg). Ta c6 bang phan bo tan so ghép 16p sau day.
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Ldp khéi luong (kg) | Tan sb
[0,6;0,8) 4
[0.8:1,0) 6
[1,0;1,2) 6
[12;14] 4
N=20
Tinh phuong sai.
A. s?=0,042. B. s2=0,043. C. s2=0044.

D. s?=0,045.

@ Cau 8. Ngudi ta tién hanh phéng vAn mét s6 ngudi vé mot bo phim méi chiéu trén truyén

hinh. Nguoi diéu tra yéu cau cho diém bé phim (thang diém 1a 100). Két qua dudc trinh bay
trong bang phan bo tan so ghép 16p sau day.

Lép | Tansé

[50;60) 2

[60;70) 6

[70;80) 10

[80;90) 8

[90;100)

N =30
Tinh phuong sai.
A. s?=~12266. B. s%2~12267. C. s2~12268.

D. s2~12269.

@ Cau 9. Cho day sb liéu thong ké: 1, 2, 3, 4, 5, 6, 7. Tinh phuong sai s2 ctia cac s6 liéu théng
ké da cho.

A. s2=3. B. s2=2. C. s2=5. D. s2=4.
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@ Cau 10. Cho biét gia tri thanh phdm quy ra tién (nghin doéng) trong mot tuan lao dong cia
7 cong nhan la
180,190,190,200,210,210,220.

Phuong sai s2 clia ddy trén gan véi sb6 nao nhat?

A. 200. B. 171. C. 175. D. 190.

@ Cau 11. Cho biét gia tri thanh phdm quy ra tién (nghin déng) trong mot tuan lao déng caa
7 cong nhan la
150,170,170, 200,230,230, 250.

Phuong sai s2 cia ddy trén gan véi s6 nao nhat?

A. 1200. B. 1230. C. 1228. D. 1225.

@ Cau 12. Tién thudng (triéu déng) cho can bo va nhan vién trong mét cong ti cho béi bang
phan bo tan so6 sau

Tien thuéng |2 | 8 | 4 |5 |6
Tan so 5[15(10|6 |7

Phuong sai ctia bang s6 liéu trén thudc khoang nao duéi day?
A. (1,3;1,4). B. (1,4;1,5). C. (1,5; 1,6). D. (1,6;1,7).

@ Cau 13. C6 100 hoc sinh tham du ki thi hoc sinh giéi Toan (thang diém la 20). Két qua
dudc cho bdi bang sau day

biém [9/10|11]12|13|14|15|16 |17 |18 |19
Tanso |1 | 1 | 3 | 5 | 8 (1319|2414 10| 2
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Tinh phuong sai s2 ctia bang trén.
A. s2~396. B. s2~196. C. s2=199. D. s2~369.

@ Cau 14. Bang sau day trich tir s6 theo doi ban hang cia mét cta hang ban xe may.

So xe bantrongngay (0| 1 | 2 | 3 |45
Tan so 2113|1512 |73

Tinh d¢ 1éch chuén s ctia bang trén.
A. s=157. B. s=235. C. s=125. D. s=1,75.

@ Cau 15. Sb liéu sau day cho ta 1ai (quy tron) hang thang cia mot ca hang trong nam
2005. Pon vi la triéu dong.

Thang | 1 | 2 | 3 |4 |5 |6 | 7|89 |10|11]12
Lai (12 15|18 |13 |13 |16 |18 |14 |15 | 17 20| 17

Tinh phuong sai s2 ctia bang trén.
A. s2~=529, B. s2~539. C. s2=5]9. D. s2~232.

@ Cau 16. Khach dén tham quan mét diém du lich trong méi thang dudc théng ké trong bang
sau day.

Thang | 1 2 3 4 5 6 7 8 9 10 | 11 | 12
Khach | 430 | 560 | 450 | 550 | 760 | 430 | 525 | 110 | 635 | 450 | 800 | 950

Tinh d¢ 1éch chuén s ctia bang trén.
A. s=~211. B. s~2093. C. s~40354. D. s=20752.
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@ Cau 17. Do léch chuédn bang
A. binh phuong ciia phuong sai.
C. mot ntrta ctia phuong sai.

B. cin bac hai s6 hoc ctia phuong sai.
D. hai lan phuong sai.

@ Cau 18. San ludng lda (don vi 12 ta) ctia 40 thita rudong thi nghiém cé cung dién tich dude

trinh bay trong bang tan s6 sau day

San luong | 20 | 21 | 22 | 23 | 24
Tan so 5| 8 |11]10| 6
Tinh d6 léch chuin s ctia bang trén.
A. s=154. B. s=034. C. s=043.

D. s=124.

@ Cau 19. Chon khang dinh sai trong cac khéng dinh sau.

A. Phuong sai luon 13 mét s6 khong am.

B. Phuong sai khong ¢6 don vi.

C. Phuong sai cang 16n thi do phan tan cang lén.

D. Do léch chuén cang 16n thi d6 phan tan cang 16n.
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CHUONG 6/ CUNG VA GOC LUQNG GIAC. CONG
THU'C LUONG GIAC

BAl1. CUNG VA GOC LUONG GIAC

@ TOM TAT LY THUYET

4) KHAINIEM CUNG VA GOC LUONG GIAC.

Pinh nghia 1. Dutng tron dinh huéng la mot duong tron trén N’
do ta da chon mot ghiéu chuyén dong goi 1a chiéu duong, chiéu A
ngudc lai goi la chieu am.

Quy uéc: chiéu duong la chiéu ngudc véi chiéu quay ctia kim /_
dong ho.

Pinh nghia 2. Trén dudng tron dinh huéng, cho hai diém A va B. Mot diém M di chuyén
trén duong tron luén theo mot chiéu (duong hodc 4m) ti A dén B tao nén mét cung luong
giac c6 diém dau la A, diém cuéi 1a B.

@ Véi hai diém A, B da cho trén duong tron dinh huéng, ta c6 v6 sb cung luong giac

diém dau A, diém cudi B. Méi cung nhu vay déu dudce ki hiéu 1a AB.
@ Trén mot dudng tron dinh huéng, lay hai diém A va B thi

® Kihiéu AnB chi mot cung hinh hoc (cung 16n hoac cung bé) hoan tolan xac dinh.

&Y% ° X Q2 Ro
@ Ki hiéu AB chi mét cung luong giac diém dau A, diém cuoi B.

D

Pinh nghia 3. Trén duong tron dinh hudéng, cho cung lugng giac ,\
CD . Mot diém M chuyén dong trén duong tron tit C dén D tao nén

cung ludng giac CD noi trén. M
Khi d6, tia OM quay xung quanh goc O tu vi tri OC deén vi tri OD. C

Ta no6i OM tao ra mot goc lugng giac co6 tia dau la OC, tia cuoi la

X
A

OD.

Ki hiéu (OC,0D).
y
Dinh nghia 4. Trong mat phing toa d6 Oxy, vé dudng tron
dinh huéng tam O ban kinh R =1.

Puong tron cat 2 truc toa do tai A(1;0), A'(-1;0), B(0;1),
B'(0;-1).

Ta lay A lam diém gbc cia duong tron doé. A K

Puong tron xac dinh nhu trén goi la duong tron lugng giac.

-
/
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€) 56 DO CUA CUNG VA GOC LUONG GIAC.

& Do va radian.
— DPon vi radian: Trén duong tron tuy y, cung cé do dai bang ban kinh dudc goi 1a
cung c6 so do 1 rad.

e A o . o . 180)°
— Quan hé gitta do va radian |1° = %md va boxedlrad = (—
T
— Do dai cia mot cung tron:

n

& S6 do cia mot cung ludng gidc: AM =a +k2n,k € Z.
trong d6 a 14 s6 do ctia mét cung luong giac tuy y c6 diém dau 12 A, diém cudi 1a M.
W@ S6 do cua mot goc lusng giac: So do caa goc luong giac (OA,0C) la so do cia cung

lugng giac AC tuong dng.

(O Dang 1. Lién hé gitra d6 va radian ]
St dung cong thitc chuyén doi gitta sb6 do dé va sé do radian
1°= Lrad va |1lrad = (@)
180 b4

Vi du 1. Déi s6 do ctia cdc goc sau ra radian:

) 30°. (2) —45°. (3) 90°. @ -72°.
(5) 180°. (6) 600°. @) -135°. 270°.

Lai giai:

................................................................................................

b4 3 154
@® 3 @ ra ©) T @ 2.
2 b4 3 47
® 5 ® > @ -5 ® -

Loi giai:

................................................................................................
................................................................................................
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(O Dang 2. b6 dai cung lvong gidc
Cung tron bdn kinh R ¢6 s6 do a (0 <a < 27) rad c6 d6 dai la

Vi du 1. Mot duong tron c6 ban kinh 36 m. Tim d6 dai cha cung trén dusng tron doé
6 s6 do 1a

b4 3
® 3 @+ ® -5 @ .
(5) 90°. (6) —72°. (@) 180°. 45°.

N, * 2 e
C1 glai:
H
................................................................................................

(® 71U LUAN

@ Cau 1. Déi s6 do ctia cac géc sau ra Radian.

@ 30° @ -106° @ 540° (10) 270°
2 60° (5) 45° 600° @ 295°
3) 72° ® 135° © —37°45'30" 12) ~720°
@ Cau 2. Déi s6 do caa cac géc sau ra do.
5m 27 I T
D s O v 10 3
T T T
@ ? @ E . _7 16
3) -4 ® 5 @ " 10z
- .
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@ Cau 3. Mot dudng tron c6 ban kinh 45m. Tim d6 dai ctia cung trén dudng tron dé cé sé do
la
3 ° 3 107
oy Ofre D= 10 -
©) 511° ® & 49" 1) 72°
OF 3 OF i
3 3 3
(® TRAC NGHIEM
@ Cau 1. Trén dudng tron lugng giac, cung 1 rad cé do dai 1a
A. . B. 1. Cc. —. p. 220
180
@ Cau 2. Géc c6 sb6 do 1080° thi c6 sb6 do 1a bao nhiéu radian?
A. 6m. B. 3xn. C. 127. D. 4n.

@ Cau 3. Trong hé truc toa d6 Oxy, goéc ludng gidc (Ox,0y) khong thé cé s6 do nao trong cac
so do dudi day?

A. -270°. B. -990°. C. 810°. D. 630°.
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@ Cau 4. Géc luong gidc (Ou,0v) ¢6 sb do @ ma zOv 1a gée nhon thi khing dinh nao duéi day

dang?
A O<a<Z.
2

C. EIkeZ:—g+k2n<a<g+k2n.

B. -
D. -

IA

(NSNS

<a=

(=]

a<

[

@ Cau 5. Goéc luong gidc (Ou,0v) ¢6 sb do @ ma uOv 1a géc tu thi khing dinh nao dudi day

diang?
A.

/)
—<a<m.
2

3
C. 3kez;g+k2n<a<§+k2n.

u 6. Cho géc luong giac (Ou,0v) c¢6 sb do —1955°. Tim sb do géc hinh hoc «Ov.

@ Ca
A. 25° B. 155°. C. 15°. D. 55°.
@ Cau 7. Tinh s6 do bang rad cta géc 22°30'.
A Z. B. 7. c. - D. 27,
8 12 12 12
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36

@ Cau 8. Tinh sé do bing d6 ctia géc .
A. 6°. B. 8°. C. 5°. D. 10°.

@ Cau 9. Trén dudng tron tuy ¥, cung c6 s6 do 1 rad 1a
A. cung c6 d6 dai bang 1. B. cung c6 do dai bang ban kinh.
C. cung c6 do dai bang duong kinh. D. cung tuong tng véi goc 6 tam la 60°.

@ Cau 10. Tinh sb do bang rad ctia géc 108°.
A 3_7[ B 4 3

5 10° )

NE

@ Cau 11. Tinh d6 dai ! cta cung c6 sb do g trén duong tron c6 ban kinh r =5.

A =2 B.1-" c.1=". D. -2
8 8 4 16
@ Cau 12. Tinh sb do bang rad ctia géc 120°.
A. 1207. B. 3?” C. 127. D. %I
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A . . A 3 A2 A A - N N
@ Cau 13. Goéc c6 s6 do —1—2 dudc doi sang so do do (phut, giay) la

A. 33°45'. B. -29°30'. C. —-33°45/. D. 32°55'.
@ Cau 14. Trén mot dudng tron tuy ¥, cung c6 s6 do 2 rad 1a
A. cung c6 do dai bang 2. B. cung c6 do dai bang ban kinh.
C. cung c6 d6 dai béing duong kinh. D. cung tuong ung véi goc 6 tam la 60°.

@ Cau 15. Do6i 2 rad ra do.

A. =2° B. (

360)°
—) . C. 360°. D. 180°.

/A

@ Cau 16. Trén duong tron ban kinh R =20, tinh d6 dai ¢ cta cung c6 sb do 50°.

50 25 180
A. ¢=1750. B. e:—gn. C. z:—gﬂ. D. ¢=20.> 50.
T
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@ Cau 17. Trén dudng tron ban kinh R =8 cm, lay cung c6 s6 do 54°. Tinh d6 dai ¢ ctia cung
tron.
A. /=754 cm. B. ¢=5,74 cm. C. ¢=4,75 cm. D. /=747 cm.

@ Cau 18. Trong cac géc lugng gidc sau, géc nao cb cung tia dau va tia cudi véi géc luong giac
999°?
A. -81°. B. —279°. C. 81°. D. 99°.

@ Cau 19. Trong cac géc lugng gide sau, géc nao cb cung tia dau va tia cudi véi géc luong giac

_2an,

3
47 /4 81 T
A, —. B. ——. C. —. D. —.
3 3 3 3

@ Cau 20. Cho géc a = 11?” +kn (k€Z), dé ac(-18;-12) thi gia tri cia & bang bao nhiéu?
A. -8. B. -7. C. -6. D. -5.
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BAI 2.

GIA TRl LUONG GIAC CUA MOT CUNG

@ TOM TAT LY THUYET

4)  DINH NGHIA CAC GIA TRI LUONG GIAC.

Cho (OA,OM) = a. Gia st M (x;y). y %OAT
g =
cosa =x = O_H B S/ cotang
sina=y=0K M
tana = Sha =_T(a;éz+k7t) al cosin
0s 2 o I A >
cota = C(_)sa =BS(a #kn) K
ina
Nhan xét:
@ Va,-1<cosa<1l,-1<sina<l.
(2 tana xac dinh khi a # g+kn, keZ.
(3) cota xac dinh khi a #kn, ke Z.
(@) sin(a+k27)=sina.
@ tan(a + kn) =tana.
@ cos(a+kR2m)=cosa.
(@) cot(a+km)=cota.
€) DAU CUA CAC GIA TRI LVONG GIAC
y
I M 7 :97 1
| K
e
A’ H O A x
111 'A%
BI
Gia tri luong giac | Goc phan tu I | Goc phan tu II | Goc phan tu III | Géc phan tu IV
sina + + - -
cosa + - - +
tana T = + =
cota + = + =
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€) HETHUC COBAN.

2q =1 véi moi a.

(3) sin?a +cos
i . km
(@) tana.cota =1 v6i moi a # >

(B 1+tana =

5— VOl moi a # k27.
cos®a

®) 1+cot?a= vOi moi a # k.

sin? a

€) GIATRILUONG GIAC CUA CAC GOC CO LIEN QUAN DAC BIET.

(1) Hai cung doi nhau: a va —a.

sin

W cos(—a)=cosa
W sin(—a)=-sina
& tan(—a)=—tana
™ cot(—a)=—cota

(2) Hai cung bu nhau: a va 7 —a.

W sin(n—a)=sina
W cos(mr—a)=—cosa
W tan(r-a)=—-tana
® cot(r —a) = —cota

(3) Hai cung phu nhau: a va g -a.
T

v —_ - =si

W cos (% a) sina

v si _— =

£ s1n(% a) cosa

4 —_— =

£ tan(2 a) cota

v cot(g —a) =tana

(4) Hai cung hon kém nhau n: a va 7 +a.

® sin(r+a)=—-sina
™ cos(mr+a)=—cosa
W tan(zr+a)=tana
W cot(r+a)=cota
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(5) Hai cung hon kém nhau g: avég+a.
4
v sinl= =
« s1n(72r+a) cosa
v cos(§+a):—sina

4 cot(g+a) =—tana

v tan(z+a) =—cota

[\

€©) CAC DANG TOAN

(D Dang 1. Du cla cdc gid tri lwong gidc
St dung bang sau:
Gia tri luong gidac | Goc phan tu I | Goc phan tu II | Goc phan tu IIT | Goc phan tu IV
sina + & = =
cosa + - - +
tana + = + =
cota + = + =
Vi du 1. X4c dinh d4u cac biéu thic:
(1) A =sin50°-cos(—45°). (2) B =sin150° - cos(25°). (3) C =sin400° - tan(—30°).
Loi giai:
(O Dang 2. Tinh gid tri lwvong gidc clia mét cung ‘
St dung cdc cong thic lugng gidc co ban:
sina
(D tana= ! .
cosd
cota =
© sinq
(3 sin?a +cos?a =1 vdi moi a.
. . kn
(4) tana.cota =1 vdi moi a # >
(3 1+tan’a = —5 v6i moi a # k2.
(6 1+cot® a=——— vdi moi a# k.
sin“ a
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Vi du 1. Tinh gia tri cia céc gia tri luong giac con lai biét

1 . 1 3
@sinazgvaae(g;n). @cosa:—g vaae(n;;ﬂ).
3
(3) tana=+v3va0<a<90°. @cotaz—% va 270° < a < 360°.

N, e 2 0
Ol g1ail:
.
................................................................................................
................................................................................................

(3 Dang 3. S& dung cung lién két dé tinh gia tri lvong giac

Su dung cong thiic cdac cung co lién quan dac biét

Vi du 1. St dung cong thiic cac cung c6 lién quan dac biét.
1 .. . 3
(1) Cho cosa = 3 Tinh sin (a— 7”)

(2) Rut gon biéu thiic A = cos (g + x) + cos(27 — x) + cos(37 + x).

N, * 2 e
C1 glai:
.
................................................................................................

(3 Dang 4. Rt gon biéu thirc va chitng minh déng thirc

St dung cdc cong thiic luong gidc co ban.

Vi du 1. Rit gon biéu thic
1) A =sin®x+sin®xtan?x.
2sin®x -1

@ B=—

sin

X —sinxcosx

Lai giai:
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------------------------------------------------

................................................

................................................

------------------------------------------------

................................................

................................................

2

, . : Y 2+si
Vi du 2. Ching minh rang S%nz ?
1-sin“a

=3tan?a +2

Loi giai:

................................................

................................................

................................................

................................................

® 1V LUAN

................................................

................................................

................................................

................................................

@ Cau 1. Tinh cac gia tri ludng giac con lai biét

@) sinx = % v6i 900 < x < 180°.

(2) sinx = —;—1 v6i 2700 < x < 360°,
3 . 3

3 sinx:;g VOl T <x < -

@ cosx:Z

@ cosng

() cosx = —133 v6i 1800 < x < 270°.

2
(@) cosx =

V5
®) cosx =— vé6i 270° < x < 360°.
(9) sinx=

/1
véi0<x < —.
2

v6i 0 < x < 90°.
.. T
vol —— <x<0.
2
4
5
5

6'n< <
vil — <x <.
13 2

. 1 s 0 0
smx:—g vO1 180" < x < 270".
. 3
@ tanx:3vdln<x<?.
@ tanx:—2V6ig<x<ﬂ.
1 .. =&
@ tanx=——v01 —<x <.
2 2
L. 3n
@ cotx:3v01n<x<?.

3 .. 3n
@ tanx=- vl <x < —.
4 2

tanx:—ﬁvéig<x<n.
@ cotx:§V6i0<x<g.

cotx:—\/gv()ig<x<n.
cotx:—3V6i3§<x<2n.

@ Cau 2. Tinh giéc tri cac biéu thiic luong giac sau.

5cotx+4tanx

2sinx + cosx

(@ Cho tanx =-2. Tinh A; =

5cotx —4tanx’

2= —.
cosx —3sinx

213
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3sinx —cosx

(2 Cho cotx =+v2. Tinh By = — ,
sinx + cosx

2sinx + 3cosx

(3) Cho cotx =2. Tinh C; =

sinx —3cosx
sinx + 32cosx'

3sinx —2cosx’

2sinx +3
(4) Cho tanx =2. Tinh D1=w,
4sinx —5cosx

cos?x —sinxcosx

3sinx —2cosx

5sin®x +4cos3 x

@ Ca

@ sin(x—90°). (6) cot(180° +x).

(2) cos(180° +x). (@) sin(x —540°).
(3) sin(270° —x). tan(360° —x).
(@) sin(x—180°). 9@ cot(x—m).
(5) cos(x +540°).

(13) sin(x— 7).

u 3. Biéu dién gia tri luong giac cta cac géc sau bang gia tri lugng gidc caa goc x.

@ tan(x — 5m).
@ sin ?'FQC)

3 )
— +x|.

COS( 2

@ Cau 4. Rut gon cac biéu thiic sau.
@ A =cos (x — g) +sin(x — 7).

@) B:cos(g—x)+sin(g—x)—cos(g+x)—sin(g

7
@ Cchosx+3cos(7t—x)—sin(§ —x) +tan(—

. (T . . (37
@ D:2s1n(§+x)+s1n(5n—x)+s1n(?+x)+cos(§

o).

3 )
—x|.
2

T
o).

@ Cau 5. Rat gon va tinh gia tri ctia cac biéu thic (khong st dung may tinh).
(1) A =cos0°+cos20° +cos40° +...... + cos 180°.
(2) C =c0s10°+cos40° +¢cos70° +...... +cos 170°
(3) F =sin5° +sin10° +sin15° +...... + sin 360°
(4) I=tan10°.tan20°.tan30°......tan80°
(5) L =cos?2°+cos?4° +cos26° +...... +cos?88°.
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@ Cau 6. Ching minh céac déng thic sau.

(1) cos?x—sin?x=1-2sin%x.

2 2cos?x—1=1-2sin%x.

(3) 3-4sin?x=4cos?x—1.

(@) sinxcotx +cosxtanx =sinx + cosx.

®) sin*x + cos*x = 1-2sin®xcos?x.

(6) cos*x—sin*x = cos?x —sin®x.

@ 4cos’x—3=(1-2sinx)(1+2sinx).
(1+cosx)(sin2x—c0sx+cos2x) =sin%x.
(9 sin*x—cos*x=1-2cos?x =2sinx—1.

sin® x cosx + sinx cos® x = sinx cos x.

@ tanZx — sin?x = tanZ x sinZ x.

@ cot?x — cos? x = cotZ x cos? x.
@ tanx +cotx = ——.
sinxcosx
1—cosx _ sinx
sinx 1+cosx
1 1
B s T !
l+tanx 1+cotx

1 1 )
1- 1+ +tan2x = 0.
COSX COSX

| e
>
3

Cau

(1) A =cos*x—sin*x+2sin’x.

(2 B =sin*x+sin®xcos?x +cos?x.
(3) C =cos*x +sin®xcos?x + sin®x.
@ D

= cos*x (2cos?x —3) + sin®x (2 sin®x — 3).

. Ching minh cac déng thic sau khong phu thuéc vao bién x.

@® TRAC NGHIEM

@ Cau 1. Chon ménh dé dung (véi & 1a s6 nguyén tuy y)?

A. sinx=1<© x=Fk27.
C. cosx=1ox=Fk27.

B. sinx=0© x=Fk2m.
D. cosx=-1x=Fk27.

215

Suu tam va bién soan



2. GIA TRI LUONG GIAC CUA MOT CUNG WGV: Doan Thinh

@ Cau 2. Chon ménh dé sai (véi & 1a sb nguyén tuy y)?
A. sin(x+ k27) =sinx. B. cos(x+km) =cosx.
C. tan(x+ k271) =tanx. D. cot(x +km) = cotx.

@ Cau 3. Tim s6 duong T nhé nhéat thoa sin(x + T') = sinx v6i moi x.
A. T=n. B. T=2x. C.T:g. D. T =4x.

@ Cau 4. Tim s6 duong T nhé nhit thoa cot(x + T) = cotx véi moi x (thoa cac vé cia dang thiic

c6 nghia).

A T=n. B. T=2n. C.T:g. D. T =4x.
@ Cau 5. Cé bao nhiéu gia tri thuc ctia x thuodc [0;107) thoad sinx = 0?

A. 10. B. 20. C. 19. D. 9.
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@ Cau 6. Trong cac dang thic sau, dang thic nao dung?
A. sin(180° —a)= —cosa. B. sin(180° —a) = —sina.
C. sin(180° —a) =sina. D. sin(180° —a) =cosa.

@ Cau 7. Trong cac dang thiic sau, dang thic nao sai?
(T (T /4 /4
A. sin (— —x) =cosx. B. sin (— +x) = CcOoSX. C. tan (— —x) =cotx. D. tan (— +x) = cotux.
2 2 2 2

@ Cau 8. Tim ménh dé dung trong cac ménh dé sau.
A. tan(n—a)=tana. B. cos (g—a) = —sina.

C. cot(g +a) = —tana. D. sin(r +a) =sina.

@ Cau 9. Cho AABC. Ménh dé nao sau day la sai?

A+C B A+C B
A. sin il :cosg. B. cos ; :sinE. C. sin(A+B)=sinC. D. cos(A+B)=cosC.

@ Cau 10. Don gian biéu thic M = cos (a —~ g) +sin(a — ) ta dude két qua nao sau day?
A. M =cosa +sina. B. M =2sina. C. M =sina —cosa. D. M=0.
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n NP b/ SN
@ Cau 11. Gi4 tri cta smTﬂ la

A B. L c. - . 2.
2 2 2 2
@ Cau 12. Cho AABC va cac ménh dé:
B+C A
— (I): cos =sin —
A2+B %’
— (II): tan tan—=1
— (IIT): cos(A+B—-C)—cos2C =0
Ménh dé ding l1a
A. Chil. B. chi III. C. II va III. D. Ivall
@ Cau 13. Cho AABC. Ménh dé nao sau day sai?
A+B
A. sin+T+30:cosC. B. cos(A+B-C)=—-cos2C.
A+B-2C 3C A+B+2C C
C. tan—— =cot—. D. cot——— =tan—.
2 2 2 2

(cot44° + tan226°).cos406°
cos316°
C. -2

@ Cau 14. Gia tri cia biéu thic A =
A. -1. B. 1.

—cot72°.cot 18° bang
D. 0.
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@ Cau 15. Cho AABC. Ménh dé nao sau day sai?
A+B inC B. cos(A+B+2C)=—cosC.

A. cos :s1n§.
C. sin(A +C)=—sinB. D. cos(A+B)=—cosC.

@ Cau 16. Cho AABC. Ménh dé nao sau day dung?
A+B C A+B
A. tan( ):tan—. B. tan( =—tan—.
2 2 2
C. tan(A+B):cot9. D. tan A+B):—c0t—.
2 2 2

@ Cau 17. Cho M = tan10°.tan20°.tan30°.tan40°.tan50°.tan60°.tan 70°.tan80°. Gi4 tri cha M

bang
A. M=0. B. M=1. C. M=4. D. M =8.

@ Cau 18. Cho géc lugng gisc a (o; g) Khéng dinh nao sau day ding?
A. sina >0 vasin2a >0. B. sina >0 va cos2a <0.
D. cosa <0 va sin2a > 0.

C. cosa<0vacos2a<0.
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@ Cau 19. Cho géc lugng giac a = 2017°. Khang dinh nao sau day ding?
A. sina>0vacosa<0. B. sina >0 va cosa > 0.
C. sina<0vacosa<O0. D. sina <0 va cosa > 0.

A , . 2017xn 2 ) . N
@ Cau 20. Cho géc ludng giac a = . Khang dinh nao sau day dung?
A. sina>0vacosa<0. B. sina >0 vacosa >0.
C. sina<0vacosa<0. D. sina <0 va cosa > 0.

@ Cau 21. Cho géc luong giac a théa man n < a < 3?7[ Khang dinh nao sau day ding?

A. cos(a—g)<0. B. sin(g+a)>0. C. tan(%t—a)<0. D. cot(a—g)<0.

@ Cau 22. Cho géc luong giac a théa man g < a < . Khang dinh nao sau day sai?

A. sina <0. B. cosa <O. C. tana <0. D. cota <O.

@ Cau 23. Cho géc luong gidc a théa man 0 < a < g Khang dinh nao sau day sai?
A. sin(a+m)<0. B. cos(a+m)>0. C. tan(a+m)>0. D. cot(a+m)>0.
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n ) . . <11 2 : . N
@ Cau 24. Cho géc luong giac a théa man Tn < a < 67n. Khang dinh nao sau day dung?

A. sina>0,cosa>0. B. sina>0,cosa<0. C. sina<0,cosa<0. D. sina<0,cosa>0.

N . . ) - 9 2 . . N
@ Cau 25. Cho géc ludng giac @ théa man 4r <a < ?n Khang dinh nao sau day dang?
A. tana>0,cota>0. B. tana>0,cota<0. C. tana<0,cota<0. D. tana<0,cota >0.

.. 5 11 2 . N o .
@ Cau 26. Cho géc luong giac a e (?n, Tﬂ) Khang dinh nao sau day sai?

A. sina >0. B. cosa>0. C. cota <0O. D. tana <0.

@ Cau 27. Trong cac déng thic sau, ding thic nao 1a ding?

V3

3
A. cos150° = -5 B. cot150° = V3. C. tan150° = — v3

1
—. D. sin150°= ——.
V3 2
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@ Cau 28. Trong cac dang thic sau, ding thiic nao 1a ding?

A. cos?a-sina=1. B. sinfa=1-cos?2a. C. sin?a—cos2a=1. D. cosa+sina=1.

@ Cau 29. Trong cac dang thic sau, dang thiic nao 1a sai?
1 .
A. —:1+tan2aV61a7££+k.n,k€Z. B.
cos?a 2 sin®a
2

=1+cot?a véia#k.n,keZ.

P /A
C. cos®?a —sin’a =1. D. tana.cota =1 véi a;ék.E,kEZ.

@ Cau 30. Trong cac ding thic sau, ding thiic nao 1a ding?

A. sin*a+cos*a=0. B. sin*a+costa=1.

C. sin*a+costa=1+2sin?acos?a. D. sin*a +cos*a=1-2sin?acos?a.
@ Cau 31. Trong cac dang thic sau, ding thiic nao 1a ding?

A. s1n a+cos6a 1-3sin?acos?a. B. sin®a+cos®a =1+6sin?acos?a.

C. sin®a+cosba=1-6sin2acos?a. D. sin®a+cos®a =1+ 3sin? acos? a.
@ Cau 32. Gia tri ctia biéu thitc S = 3 —sin?90° + 2cos?60° — 3tan245° bang

1 1
A.Szé. B.S:—g. C.S:]_. D.S:3.
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@ Cau 33. Trong céac gia tri sau day, cosa c6 thé nhan gia tri nio?
A. V2. B. 7 C. -0,7.

D. -1,2.

@ Cau 34. Trén duong tron ludng gidc gbc A, cho cung a ¢6 diém dau 14 A, diém cudi thudc

géc phan tu thit II. Trong cac phat biéu sau, phat biéu nao dung?
A. sina<0. B. cosa>0. C. tana >0.

D. cota <0.

@ Cau 35. Trong cdc ménh sau, ménh dé nao sai?

A. cos(a—g):sina. B. tan(-a)=—-tana. C. sin(z—a)=-sina.

D. cot(—a)=cota.

P 1
@ Cau 36. Biét tana = ~3 Tinh P =sina.cosa.

A -2 B. - i

\/ﬁ . 1_0- . 10.

=
S
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@ Cau 37. Trén dudng tron luong gidc gbe A, cung AM ¢6 sinAOM > 0. Xéc dinh vi tri diém
M

A. M thudc géc phan tu thit I hoac thi II. B. M thudc géc phan tu thi 1.
C. M thuéc géc phan tu thi II. D. M thudc géc phan tu thi I hodc thi IV.

@ Cau 38. Khang dinh nao duéi day luén ding véi moi a biét 0° < a < 180°?

1
A. sina+cosa=1. B. tana > 0. C. sin2a+1= 5 D. sina>0.
cot“a

@ Cau 39. Tim géc a théa man 90° < a < 180° va tana = cota.

A. 120°. B. 135°. C. 145°. D. 180°.
@ Cau 40 Trong cac dang thic sau, dang thiic nao 1a sai?

A. sm a+costa=1-2sin?acos?a. B. sin®a —cos®a =sin?a — cos? a.

C. sin*a—cos*a =sin?a —cos? a. D. sin®a+cos®a =1-3sin? acos?a.

" 2 . 3T . e
@ Cau 41. Cho cosa = o véim<a< OR Tinh gia tri tana.
v21 v21 v21 v21
A. tana=—-. _— D. tana=——

B. tana:—T. C. tana=-
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4 . , e
@ Cau 42. Cho cosa = G v6i 0 < a < g Tinh gia tri sina.

1 V1 1
A. sina:—i3. B. sina:3—7. C. sina:i3.
169 13 169

1
D. sina=-4/ —53.
169

@ Cau 43. Cho cota=2+v3 véi 0<a< g Tinh gi4 tri ctia sina.

9_ -
A. cosa:—\/g. B. cosa:M. C. cosa:—ﬂ. D. cosa=- 2 \/§
2 2 2 2

@ Cau 44. Néu tana — cota = 3 thi tan? a + cot? @ bang bao nhiéu?

A. 10. B. 9. C. 11. D. 12.
@ Cau 45. Rut gon biéu thitc sau G = (1 -sin®x)cot?x + 1 — cot®x.

1 1
A. G =sin’x. B. G= . C. G =cosx. D. G=—
cosx sinx
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N - A . 1 N - ., . 3
@ Cau 46. Biét sina = 3 Vacosa< 0. Tinh gi4 tri ca tana.

1 1
A. tana=-———. B. tana=-—. C. tana =2Vv2. D. tana = V3.
2v2 V3

A 3., . . e e
@ Cau 47. Cho tana = 1 6 do g < a <. Tinh gia tri caa sina.

3 4 3 4
A, sina=-—-. B. sina = -—. C. sina=-. D. sina=--.
5 5 5 5

A . 3 . e e
@ Cau48. Chocota=3van<a< En Tinh gia tri ctia sina.

3 3 1 1
A, sing=—. B. sina=—-———. C. sina=—. D. sina=—-———.

V10 V10 V10 V10

A : 3, . . e . :
@ Cau 49. Cho sina = = 6doac (g;n). Tinh gia tri biéu thic M =2sinacos a.

24 24 12 12
A M=—. B. M=——. C. M=——. D. M=—.
25 25 25 2

4 c e e
2a= 5 Tinh gi4 tri cta sina.

2 3 1
A, sing=——. B. sina=— C. sina=——. D. sina=——

2110 V10~ V10 ) V10
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1
@ Cau 51. Cho cosa = -5, 8d6ac (gn) Tinh gi4 tri ctia tana.

1 1
A. tana =-2V2. B. tana =2V2. C. tana=-———. D. tana=-———.
2v/2 2v2
12 b4
@ Cau 52. Cho cosa = -2 va 5 <a<m Tinh gia tri ca tana.
2 5 5 5
A. tana =—. B. tana=—-—. C. tana=—. D. tana=——.
3 12 12 12
N ) 2 . 3T .. e s
@ Cau 53. Cho sina = —p Véim<a<—-. Tinh gia tri cia tana.
2v2 2v21 2v15 2v15
A. tana——— B. tana=——. C. tana = —————. D. tana = ——.
21 21 15 15
A 4 . T e ..
@ Cau 54. Cho cosa = 3 vii0< a < 3 Tinh gia tri caa sina.
3v13 3v17 3vV17 3v13
A. sina=——. B. sina=——. C. sinag=—————. D. sina=—-———.
13 13 13 13

227
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n .. 3 . e
@ Cau 55. Cho cota = -3 véi ?ﬂ < a < 2. Tinh gia tri cta cosa.

3v10 3v10 10 v10
A. cosa=——. B. cosa=——. C. cosa=—. D. cosa=———.
10 10 10 10
A ~ 3 7 L . kd
@ Cau 56. Cho tana=4++15va g < a < 2n. Tinh gia tri cta cosa.
2-V5 3-5 5-12 5- V5
A. cosa= v2 \/_ B. cosa= V3 \/_ C. cosa= V5 \/_. D. cosa= \/_
4 4 4 3
N ) 8 .=« . c e
@ Cau 57. Cho sina = 7 V25 < a < n. Tinh gia tri cta tana.
8 8
A. tana=-—. B. tana=-—. C. tana=-——. D. tana=—-—.
13 15 11

N 4 .3 2 . . N
@ Cau 58. Cho tana = o vii ?ﬂ < a < 2n. Khang dinh nao sau day dung?

A. si 5 B. si 4
. SIn@ = ———,c08@ = ———. . Sina@ = ——,co8sq@ = ——.
Va1 Va1 Va1
C. s 4 5 D. s 4
« SINX = ———, COSOX = ——. . SINX¥ = ——,C0S & =
Va1l 41 Va1l
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.2 . 2 I P 3 1 -2 - A
@ Cau 59. Tinh gia tri ctia biéu thic M = w, biet tanx = 2.

5cosx + 7sinx

4 4 4 4
A, M=——. B. M=—. C. M=——. D. M=-—.
9 19 19 9
. 3 .. b4 . .
@ Cau 60. Cho cosa = = VOl a € (0;5). Tinh sina.
A. sina:—é. B. sina::é. C. sina:—E. D. sina:E.
5 5 25 25
R . 3 .. 3n ,
@ Cau 61. Cho sina = —z vll a € (7‘[;?). Tinh cosa.
4 4 1 1
A. cosa=—--. B. cosa=-. C. cosa:——6. D. cosa:—G.
5 5 25 25
1 el e e Aeg .,
@ Cau 62. Cho cota = 3 Tinh gia tri ctia biéu thic P = tanacot? a.
1 1 1
A. P=—. B. P=—. C. P=—. D. P=3.
27 9 3
1 °
@ Cau 63. Cho cota = 3 Tinh gia tri cia biéu thic P =tana + cota.
1 4
A.P:?O. B.P:].. C.PZO. D.Pzg.
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@ Cau 64. Cho tana=-v2véi a e (g;n). Tinh cosa.
3 3 1 1
A. cosa:—i. B. cosazﬁ. C. cosa=—-. D. cosa=—-.
3 3 3 3
" . 3n . )
@ Cau 65. Cho cota=-3véiace (?;Qn). Tinh sina.
A. sina=-—. B. sina:i. C. sina:—ﬁ. D. sina:ﬁ.
10 10 10 10
" 2 .
@ Cau 66. Cho tana = 3 Tinh cota.
2 v4
A. cota:—g. B. cota:—g. C. cota:—95. D. cota=—.

4 . . c e . ., .
@ Cau 67. Cho cosa = = vl a € (g;n). Tinh gia tri cta biéu thic P =sina + cos a.

1 1 7
A. P=—. B. P=——. C. P=-_.
5 5 5

D.P=-1
5
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@ Cau 68. Cho tana =2, tinh gia tri biéu thiic M = cos?a —sin?a.

3 4 4
A. M=-. B. M=—-. C. M=-. D.M:—§.
5 5 5

N . 1, .. . e L . .
@ Cau 69. Cho sina.cosa = 3 ddo0<a< g Tinh gia tri biéu thiic M =sina + cosa.

A. M=V2. B. M=-V2. C.Mz?. D.M:—g.

N 4 , .. v A AN e 7T
@ Cau 70. Cho cos2a = 5 6doace (Z’E) Tinh gia tri caa cos (2@—5).

A. cos(Za—g):g. B. cos(Za—g):g. C. cos(2a—g):—§. D. cos(Za—g):——.
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BAI3. CONG THUC LUGNG GIAC

@ TOM TAT LY THUYET

€) CcONG THIC CONG.

W cos(a +b) =cosa.cosb Fsina.sinb. & tan(a+b)= tana +tanb .
W sin(a +b)=sina.cosb +cosa.sinb. 1Ftana.tand

€) CONG THU'C NHAN DO

W sin2a =2sinacosa.
4 cos2a:c0s2ta—sin2a:1—2sin2a:2cos2a—1.
ana
W tan2a = —
1—2tan a
cot“a—1
™ cot2a = —.
2cota

€) CONG THUC HA BAC.

1- 2 1 2 1- 2
I 4 sin%zzﬂ. 4 coszazm. 4 tanza:ﬂ.
2 2 1+cos2a
0 CONG THUC NHAN BA.
™ sin3a =3sina —4sin’a. ™ cos3a =4cos®a—3cosa. _ 3tana—tan®a
& tan3a =
1-3tana
€©) CONG THUC BIEN DAI TICH THANH TONG.
1 ) 1 . )
W™ cosa.cosb = E[cos(a —b)+cos(a + b)]. W sina.cosb = §[s1n(a— b) +sin(a + b)].
1
W sina.sinbd = E[cos(a —b)—cos(a + b)].
€@ cONG THIC BIEN DI TONG THANH TiCH.
4 cosa+cosb:200sa+b.cosa_b. 4 sina+sinb:2sina;b.cosa;b
4 cosa—cosb:—2sina;b.sina;b. 4 sina—sinb:2cosa;b.sina;b

€) CACDANG TOAN

(O Dang 1. Cong thirc cong

St dung cdc cong thiic cong.
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Vi du 1. Tinh gia tri ctia bi€u thic P = cos 10° + cos 11° cos 21° + cos 69° cos 79°.

Loi giai:

................................................................................................

[N

Vi

| S

10 <x<90°. Tinh sin(x +30°), cos(45° — x).

Loi giai:

(O Dang 2. Céng thirc nhan ]
Su dung cdc cong thiic nhan.
You , . .. . o .2 . . T T /4
Vidu 1. Tinh gia tri cta biéu thic P =A = sin o cos  cos .
Loi giai:
Vi du 2. Cho sinx = - v6i i x < 27. Tinh sin2x, cos2x.
Loi giai:
[ Dang 3. Céng thirc bién ddi tdng thanh tich, tich thanh tdng
Stz dung cdc bién doi tong thanh tich, tich thanh tong

Vi du 1. Bién ddi thanh tong
(@) 2sin(a + b)cos(a —b).
(2) 2cos(a +b)cos(a —b).
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Loi giai:

................................................................................................

Vi du 2. Bién d6i thanh tich
(@) sin2x + sin4x +sin6x
(2) sin5x +sin6x + sin 7x + sin 8x

N, e 2 0
Loi giai:
.
................................................................................................

................................................................................................

(® 71U LUAN
@ Cau 1. Khong dung may tinh, hay tinh gié tri cac biéu thic sau.

(1) A =sin12°.cos48° +cos12°.5in48°. (4) D =sin36°.cos6° —sin126°.cos 84°.
(2) B =co0s38°.cos22° —sin38°.sin22°. (5) E =co0s112°.c0s23° —sin112°.sin23°.
(3) C =sin10°.cos55° —cos 10°.sin 55°. (6) F =sin200°.sin310° + cos 340°.cos50°.

@ Cau 2. Tinh gi4 tri cac biéu thic sau.

@ _ l+tan 15° @ 3 tan225° — cot 81° cot 69°

~ 1-tanl15°’ ~ cot261°+tan201°
@ B tan25° + tan 20° e sin73°cos3° —sin87°cos 17°

~ 1-tan25°tan20° ~ c05132°cos62° + cos42°cos28°
@ C- sin10° cos 20° + sin20° cos 10° @ 7o cot225° —cot79° - cot 71°

" cos17°cos13° —sin17°sin13°" © cot259° +cot251°
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[

Cau 3. Tinh gi4 tri cac biéu thic sau.

A, 1
@A=cos(x+g)b1ets1nx:ﬁva0<x<g.
% 12 3
@stin(z—x)bletcost——Vaﬂ<x<—n.
3 ' 13 2
(3) C =cos(x—30°) biét tanx = v2 va 0 < x < 90°.
AL 3
@D:tan(x+z)b1ets1nx:—Vaz<x<n.
3 512 23
(5) E =cos (g —x) biét sinx = _i_3 va ?n <x3< 271.
@F:cot(x—%)biétsinx:—gVén<x<§.

A <A . 4 N . 8 ~ - .z . [d .
@ Cau 4. Biét sina = 5 (0°<a<90°) va sinf = T (90° < < 180°). Hay tinh gi4 tri biéu thic

A

=cos(a+p) va B=sin(a - ).

[

Cau 5. Rut gon cac biéu thiic sau.

(1) A =sinxcos5x —cosxsin5x.

(2) B =sin4xcot2x — cos4x.

(3) C =cos6xtan3x —sin6x.

@ D =sin(x+ y)cos(x—y) +sin(x — y)cos(x + ).

@ E =cos(40° —x)cos(x + 20°) — sin(40° — x) sin (x + 20°).

@ G =sin(x +10°)cos(2x — 80°) + sin(x + 100°) cos (2x + 10°).

(4

u 6. Cho tam giac ABC véi A,B,C 1an ludt va 3 géc ctia tam gidc. Chiing minh rang.

Ca
(@) sinC =sinA.cosB +sinB.cosA.
(2) sinA =sinBcosC +sinC cosB.
(3) cosA =sinBsinC —cosBcosC.

235
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sinC .
cosA.cosp ~ 1A A+tanB, (4,8 #907).

(® tanA +tanB +tanC =tanA.tanB.tanC,(A,B,C #90°).
(6) cotA.cotB +cotB.cotC +cotC.cotA =1,

@ Cau 7. Tinh gia tri cac biéu thiic sau (khong sit dung may tinh bd tai)

(1) A =cos? ——sm2z @ D:4sin§400+3sin1300.
A 0 0

@ B =3cos10° - 4cos® 10°. ®E S s o0y T ocos1e0

C =5sin20° (1 - 4cos220°). F=———.
® ( ) ® 1-tan?150

@ Cau 8. Rut gon cac biéu thic sau.
@ A= (sinx+cosx)2. @ D = cos*2x — sin* 2x.
o 2 2)

3 C = sinx cosx cos 2x.

(6) F =sinxcosxcos2x.

@ Cau 9. Tinh gia tri cac biéu thic sau.

@D A= 2cos?x—1 (@) D = (1-tan®x)cotx.
smx+cosx sin2x cos2x
1-2sin”2x ® E= sinx  cosx

@ B= ; : tx —tanx
cos2x —sin 2x ® F= cotx '

B C= 2 ) cos2x

(1-tanx)(1+cotx)
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@ Cau 10. Tinh gia tri cac biéu thic

(1) sin2x,cos2x khi sinx = g,g <x <.
(2) sin2x,cos2x khi sinx +cosx = v/2.

5 3
(3) cos2x,sin2x,tan2x khi cosx = —T<E<

2
(@) cos2x,sin2x,tan2x khi tanx = 2.
4 3

(5) sinx,cosx khisin2x = ——, = <x < —.
52 2

¢ Cau 11. Chiing minh cac dang thic sau.

) cos*x— sin* x = cos 2x.

(2) sin4x =4sinxcosx (1-2sinx).
(3) cos?2x —sin?x = cos x cos 3x.
@ cos4x 8cos?x —8cos?x + 1.
(5) 8sin*x =3 —4cos2x + cosdx.

3 1
tx =+ = cosdx.
4 4
@ sin? + cos?x — 6 cos? x sin?
6

(®) sin* +cos
x =cos4x.

5 3
®) sin®x + cos x:§+§c0s4x.

[ 4

Cau

(1) A =cos3x+cosx.
(2) B =sin3x +sin2x.
(3) C =cos4x—cosx.
(@) D =sinb5x —sinx.

12. Bién d6i thanh tich cac biéu thiic sau day.

(5) 1+ cosx+cos2x +cos3x.

(6) sinx —sin3x +sin7x —sin5x.

(7) sinx —sin2x + sin5x + sin 8x.

cos 7x + sin3x + sin 2x — cos 3x.
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@ Cau 13. Bién doi thanh tong cac biéu thic sau day.

2 7

@ A:singsin?n. @ D:sin%cosl—g.

@ B =sinbxcos3x. @ E =sin(x+ y)cos(x —y).

3 C=sin>Zcos™. (®) F =sin(x +30°)cos(x — 30°).

4 6
@ Cau 14. Tinh gia tri cac biéu thiec.

@ A= c?s2x—c?s4x Khi x = 20°. @ C= cosx.cos 10x Khi x = 1‘
sin4x — s1{132x (tzos 22x + cos 42x 13 0
cosx.cos 13x /4 an2x — sin2x

B=—————khix=—. =——  khit =—.

@ cos 3x + cos bx X 17 @ tan2x + sin2x 1hanx

@ Cau 15. Trong tam gidc ABC c6 3 géc 1an lugt 14 A, B, C. Ching minh rang

B C A B C
(@) sinA +sinB +sinC = 4cos§cos§cos ox (3) cosA+cosB+cosC = 1+4sin§sin§sin§.
A . B C (4) sin2A +sin2B +sin2C = 4sin A sinBsinC.

(2) sinA +sinB —sinC = 4sin§sin§cos 3

@® TRAC NGHIEM

@ Cau 1. Coéng thiic nao sau day la dung?
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A. sin(x+y) =sinx +siny. B. sin(x+y)=sinxcosy+cosxsiny.
C. cos(x—y)=sinxcosy—cosxsiny. D. sin(x—y)=cosxcosy—sinxsiny.

@ Cau 2. Coéng thiic nao sau day 1a dung?
A. c0s45° =sin30°cos 15° — cos 30°sin 15°. B. cos45° =c0s30°cos15° +sin30°sin 15°.
C. co0s45° =c0s30°cos15° —sin30°sin 15°. D. cos45° =sin30°sin 15° — cos 15° cos 30°.

@ Cau 3. Cong thiic nao sau day la diung (véi diéu kién cé nghia ctia biéu thiic)?
tanx —tany tanx —tany

A. tan(x+y)= B. tan(x+y)= ———.
(x+) (x+) 1+tanxtany

tanx —tany

1-tanxtany’

tanx —tan
C. tan(x—y) = ad Y D. tan(x—y)=

1+tanxtany’ 1-tanxtany’

@ Cau 4. Tim cong thic dung dé tinh gia tri sin%.

A. si T 96 T T B. si T T T LT . T
. SINn— = 28In—Ccos —. . SIN— =COS—COS— —SIn—Ssin—.
12 6 6 12 3 4 3 4

. T /2 /4 . . T . T /1 T T .7

C. sin— =cos —cos — + sin — sin —. D. sin — =sin—cos— —cos —sin —.
12 3 4 3 4 12 3 4 3 4

@ Cau 5. Cong thiic nao sau day la dung?

7T b/
A. sinx +cosx = 2sin(x—Z). B. sinx+cosx=— 2sin(x+z).
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. . T . . /3
C. smx+cosx:sm(x+z). D. s1nx+cosx:\/§sm(x+z).

@ Cau 6. Cong thiic nao sau day la dung?

7 b
A. sinx —cosx = 2c0s(x—z). B. sinx—cosx=— 2cos(x+z).

. T . /)
C. smx—cosx:cos(x+z). D. s1nx—cosx:\/§cos(x+z).

@ Cau 7. Cong thiic nao sau day la ding (véi diéu kién c¢6 nghia ctia biéu thiic)?
sin(a + f) tana—tanp sin(a + f) tana+tanp

A. = . B. = .
sinfe — ) tana+tanf sinfla — ) tana-tanpf
C sin(a+p) tanatanp D sin(a +f) tanatanf
" sin(@—p) tana—tanp’ " sin(@—p) tana+tanp’
A .12 37w . /1
@ Cau 8. Cho sinf = 3 Va5 < 0 < 27. Tinh cos (Z —9).
A -2 B. -1 c. 12, p. 32
13 50 26 13

N . 3 . 4 . . , e
@ Cau 9. Cho sinx = g,smy: = vl 0<x< g va g <y <. Tinh gia tri sin(x — y).

. 7 . _ o T
A. sin(x—y)= 55" B. sin(x-y)=-1. C. sin(x-y)=1. D. sin(x y)—25.
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@ Cau 10. Cho tana +tanb =2 va tan(a + b) = 4, gid tri cia tana.tanb bang
1 1
A, —. B. —-. C. 1. D. -1.
2 2
@ Cau 11. Trong cac khiang dinh sau, khang dinh nao dung?
A. sin(x+ y) =sinxcosy—cosxsiny. B. sin(x—y)=sinxcosy+sinycosx.
C. cos(x+y)=cosxcosy +sinxsiny. D. cos(x —y) =cosxcosy+sinysinx.

@ Cau 12. Cho P =sin(x+ g) Khéng dinh nao sau day ding?

A. 2P =sinx + v3cosx. B. V2P =sinx + v/3cosx.
3 1
C. P =sinx— v3cosx. D. P= gsinx + écosx.

COSXCOoSy

" pe o .4 —sinxsin N ) ~ 2 . N A

@ Cau 13. Véi gia thiet P = ) i Y luén ¢6 nghia. Khang dinh nao sau day
cosxsiny +cosysinx

dang?

A. P =tan(x +y). B. P =tan(x—y). C. P =cot(x+y). D. P =cot(x—y).
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@ Cau 14. Cho tana =2, tanb = 3. Tinh gi4 tri cta tan(a + b).
1
A. tan(a+b)=-1. B. tan(a+b):—§. C. tan(a+b)=-"7. D. tan(a +b)=1.

z 1 2
@ Cau 15. Bibt sina = —, v6i 0 <a < —. Tinh gia tri biéu thic P = cos (aﬂ).
V3 2 3
A P= ‘/66_3. B. P=- \/56_3. C. P:@. D. P-= ‘/g;?’.

@ Cau 16. Vi diéu kién 1a cac biéu thic déu c¢6 nghia, trong cac dang thiic sau, dang thic
nao dung?

ta —cotb ta +cotbh
A. cotla—b)= =222 B. cot(a+b)= —2 T2
14£C0t%[§0tli lzcot%gotli
- +
C. cot(a+b):w. D. cot(a—b):w.
cota +cotb cota —cotb

7
@ Cau 17. Chocota=2val<a< g Tinh sin(a+§).

v3+2 B, Y3+2 c. Y243 p, Y2+3
2v5

2v5 2v5 2V5
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@ Cau 18. Tinh chinh x4ac gia tri ctia sin 105°.

6+v2 6—v2 6+v2 6—v2
A VE6+V2 g Y6-v2 c. V6+v2 p, V6-v2
4 4 2 2
@ Cau 19. Coéng thic nao sau day 1a cong thiic sai?
A. cos2x =1-sin®2x. B. cos2x =2cos?x—1.
C. cos2x =1-2sin?x. D. cos2x = cos?x —sin®x.
@ Cau 20. Cong thiic ndo sau day l1a cong thic dung?
A. sin2x=2sin%x—1. B. sin2x =1-2sin%x.
C. sin2x=1-cos?x. D. sin2x = 2sinx.cosx.

@ Cau 21. Véi diéu kién c6 nghia, cong thitc nao sau day 1a cong thic dung?

1-tan? 2t 2t 1-tan?
A. tan2x = sz. B. tan2x = L;C. C. tan2x = L;C. D. tan2x = ﬂ.
1+tan“x 1+tan“x 1-tan“x 2tanx
@ Cau 22. Cong thic nao sau day 1a cong thic diung?
A. sin3x =4sin®x — 3sinx. B. sin3x = 3sinx.cosx.
C. sin3x = 3sinx. D. sin3x = 3sinx — 4sin®x.
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@ Cau 23. Cong thic nao sau day 1a cong thic diung?
A. cos3x =3cosx—4cos’x. B. cos3x=4cos®x—3cosx.
C. cos3x =3cosx. D. cos3x=3cosZx—1.

A 4 , . 1 ... e
@ Cau 24. Cho s6 thuc x théa man sinx —cosx = 3 Tinh gia tri ctia sin2x.

2 8 8 2
A. sin2x:§. B. sin2x:§. C. sin2x:—§. D. sin2x:—§.

A 4 , . 3 e .
@ Cau 25. Cho s6 thuc x théa man sinx + cosx = 7 Tinh gia tri caa sin2x.

1 7
A. sin2x=1. B. sin2x=-1. C. sin2x = T D. sin2x = =T
@ Cau 26. Tim gi4 tri 16n nhat cta biéu thic P = cos*x — sinx.
A. 1 B. 2. C. -1. D. 0.
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@ Cau 27. Cho tang — m. Tinh gi4 tri ctia bidu thiic P = 2sinx + cosx theo m.

A P:—m2+2m+1- B. P:—m2—4m+1. C. P:—m2+4m+1. D. P:m2+4m—1
1+ m? m2+1 m2+1 m2+1

@ Cau 28. Cho sina +cosa = i Tinh sin2a.

1 1
A -2 B. . )
4 16 16

@ Cau 29. Cho sinx +cosx = ? Tinh tan3x.
A. 2-3. B. 2+3. C. 1. D. -1.

@ Cau 30. Trong cac cong thic sau, cong thiic nao sai ?

A, sin3x:3sinx—4sin§x. B. cos3x =4cos®x +3cosx.
3tanx —ta 2ta
C. tan3x = nx 2n x. D. tan2x:—n32€.
1-3tan“x 1-tan“x

@ Caudl. Giast A = tanxtan(g —x) tan(g +x) duge rut gon thanh A = tannx, véi n 12 hing

s6. Tim n.
A, 2. B. 1. C. 4. D. 3.
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@ Cau 32. Cho sinx = 3cosx, tinh sinxcoszx.

2 1 1
A. i B. —. C. - D. -.
10 9 4 6
. e 1
@ Cau 33. Gia tri cta biéu thic — - — bang
sin18° sin54°
1-v2 1 2
A 17V2 B. 2. C. -2. p. 1+V2
2 2
@ Cau 34. Cho cosx = %. Tinh cos2x.
2 2 2 2
A —1+L B. £ _1. c. -1+%, D. -1-Z%.
2 4 4 2
" ) 5-1 ...
@ Cau 35. Cho sin18° = \/_4 . Tinh cos36°.
-1 2+2 -2+2
A. 0,8090169944. B. ‘/54 . C. +8‘/5. D. +T‘/5.
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@ Cau 36. Cho sin8° = a. Tinh cos1°.sin1°.cos2°. cos4°.

A. a. B. %a. C. 8a. D. 1a.

@ Cau 37. Cho sin40° = B. Tinh cos5°.sin5°. cos 10°. cos 20°. cos 40°.

1 1 1
A. B. B. —8. C. -B. D. —-5.
p 16" 5" 2"
@ Cau 38. Trong ciac ménh dé sau, ménh dé nao ding?
1- 2 1+ 2 2x—1
A. sin?x =2sinxcosx. B. cos?x = %. C. cos?x = %. D. sin?x= %
@ Cau 39. Trong ciac ménh dé sau, ménh dé nao ding?
A. sin3x =4sin®x — 3sinx. B. cos3x =4cos®x +3cosx.
C. sin3x = 3sinx —4sin®x. D. cos3x = 3cosx —4cos3x.
@ Cau 40. Trong cac ménh dé sau, ménh dé nao sai?
. 9 1—cos2x 9 1+ cos2x
A. sin“x=——. B. cos“x= ——
2 2
.. 3 1 . 3 . 3
C. sin°x = —sinx — —sin 3x. D. cos®x = —cosx+ — cos 3x.
4 4 4 4
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« A . 1 4. d
@ Cau 41. Biét sina = v6i0< a< g, tinh cos2a.
1 1 1 3
A. cos2a=—-. B. cos2a=-. C. cos2a=-. D. cos2a=-.
2 3 4 4
1 .. 7«
@ Cau 42. Biét cosZa—Z véi — -7 < a <0, tinh cos?a.
5 1 3 7
A. cos?a=—. B. cos?a==. C. cos?2a=—-. D. cos?a=-—.
8 8 8 8
A~ . 4 3 .. T, .. 9
@ Cau 43. Biét cos2a:§ v010<a<Z, tinh sin?a.
9 5 3 11
A. sin?a=—. B. sina=—. C. sina=—. D. sin?a=—.
16 16 16 1

@ Cau 44. Tim gi4 tri 16n nhat va gia tri nhé nhat ca biéu thitc P = 3sinx —4sin®x.
A. maxP =1va minP =-1. B. maxP =7 va minP = -7.
C. maxP =3 vaminP = -3. D. maxP =4 va minP = —4.
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@ Cau 45. Trong cac ménh dé sau, ménh dé nao ding?

A. cos®3x == cos3x + = cos9x. B. cos?3x = =cosx+ = cos3x.
4 4 4 4

1 1
C. cos33x = = cos3x— —cos9x. D. cos®3x = =cosx + — cos3x.

@ Cau 46. Trong cac ménh dé sau, ménh dé nao sai?

1+2
A. 3cos23x = S Tacosy B. 2cos?x=1+2cosx.
1- 2 1- 2
C. sinx?x = bt x. D. tan?x = - Cosax x.
2 1+ cos2x
@ Cau 47. Pit cos2x = m. Khang dinh nao sau day dung?
3 3 1 1
A. 1+cos2x:§+m. B. 1+cos22x:§+m. C. l—coszx:§+m. D. 1+cos2x:1+§m.

3 . 3 , c e
@ Cau 48. Cho cos2a = = (V61 Zn <a< n). Tinh gia tri sina.

. B. - > c. 2

A. N 7

| =

Al

4 . . e
@ Cau 49. Cho cos2x = 5 v6i % <x< g Tinh gia tri cosx.
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2 3 1 2
A —. B. —. C. —. D. —.
3v10 v10 V10 v 10
. 2cos?a -1
@ Cau 50. Tinh gia tri chia biéu thtc = — > "~
4tan (— - oc) sin? (— + a)
1 3 ! 1 * 7
A = B. . C. —-. D. -
2 2 2 2

e . (2
@ Cau 51. Cho bidu thic I = sin’x + s1n2(§ tx

dang?

2 2 . < A
+ sin? (?ﬂ —x). Khang dinh nao sau day

3 1 -3
A T =-. B. 9=-. C. 5=—. D. =1
2 2 2

3
@ Cau 52. Cho cos4x = 7 Tinh gia tri cta tan?2x.
A. g B. -1. C. 1 D. 7.
7 7 7

@ Cau 53. Trong cac dang thic duéi day, dang thic nao ding?
A. sin3x +sinbx = 2sin4xsinx. B. sin3x +sinbx = —2sin4xsinx.
C. sin3x +sinbx = 2sinxcos4x. D. sin3x +sinb5x = 2sin4xcosx.
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@ Cau 54. Chon dang thic sai trong cac dang thic dugc liét ké 6 cac phuong an A, B, Cva D
sau day.

5 3 5 3
A. cos4x+cosx:200s?xcosEx. B. cos4x—cosx:2sin—xsin—x.

5 3 5 3
C. sin4x—sinx:2cos?xsin?x. D. sin4x+sinx:2sin—xcos—x.

@ Cau 55. Trong cac dang thiic dudi day, dang thic nao 1a ding?
A. cosa—-sina = v2cos (a— g) B. cosa —sina = v2cos|a+ Z)

(
C. cosa +sina = v2cos (a+g). D. cosa +sina = \/Qsin(a— %)

A .9 2 N 2 - A ., < A M o A
@ Cau 56. Gia st A, B, C 1a 3 géc cia mot tam gidc. Biét rang cosA +cosB+cosC =1+% sin -

B P N
SinE . sinE. Khi d6, gia tri so £ bang bao nhiéu?
A. £=0. B. £=1. C. k=2 D. 2 =4.

A . ey , 2 3
@ Cau 57. Tinh gia tri biéu thic M = cos —cosTn + cos 7”
1 1 1 3
A. M=-——. B. M=-. C. M=-. D. M=—-.
2 2 3 7
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@ Cau 58. Tinh gia tri biéu thiic S =tan 10° —tan50° + tan60° + tan 70°.
A. S=2. B. S=V3. C. S=2v3. D. S=4.

@ Cau 59. Cho a, b 1a cac s6 thuc théa man a + b = 7. Tinh M = sin(2a — b) + sin(a — 2b).
A. M=-. B. M=1. C. M=0. D. M=-1.

DN | =

e . 1+ + 2x + 3
@ Cau 60. Rut gon bidu thite M = — 05X T COSAX T 059

cosx +2cos2x—1

A. M =2sinx. B. M =2cosx. C. M =sinx. D. M =cosx.
@ Cau 61. Tinh gia tri ctia biéu thiic A = cos72° + cos 108°.
A. 0. B. 1. C. cos18°. D. sin18°.

@ Cau 62. Bién d6i thanh tich biéu thiic B = sin3a + sina ta dudc
A. 2sin2a.cosa. B. 2cos2a.sina. C. sin4a. D. 2sin2a.sina.
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@ Cau 63. Tinh gia tri ctia biéu thiic A = cos 14° + cos 134° + cos 106°.

1
A. 1. B. 0. C. -1. D. ~3
@ Cau 64. Bién d6i thanh tich biéu thiic C = cos3a + cos2a ta dudc
5a a . ba . a . ba a 5a . a
A. 2cos—cos—. B. —2sin—sin—. C. 2sin—cos —. D. 2cos —sin—.
2 2 2 2 2 2 2 2
@ Cau 65. Trong cac cong thiic sau cong thic nao sai?
3 3
A. cosa +cos2a =2cos o¢ cos g. B. sina +sin2a = 2sin—a cos g.
3 3
C. cosa—cos2a = 2sin—a sing. D. sina —sin2a = 2cos o¢ sin g.
2 2 2 2
@ Cau 66. Bién d6i thanh tich biéu thiic A = 1—2cosx + cos2x ta dudc

C
A. A:—4cosxcoszo2—c. B. A:—4sinxsin2;—c. C. A:—4sinxcoszg. D. A:—4cosxsin2g.

(253 ] Suu tam va bién soan



3. CONG THUC LUONG GIAC WGV: Doan Thinh

~ 2 3 4
@ Cau 67. Tinh gia tri biéu thiic D = cos0 + cos g + cos ?n + cos ?ﬂ +cos g
A. B. D=2. C. D=3. D. D=0.
b4 5%/4
@ Cau 68. Gia tri cia cos 555 bang bao nhiéu?
2— 2 1 1
A V3 B, 2tV3, C. -. D. --.
4 4 4 4
11 5
@ Cau 69. Tinh gia tri ctia biéu thic A = sml—; cos £
2— 1 2 3 1
A A28 B. A= C.a=2tY3 D. A=——.
@ Cau 70. Trong cac dang thiic sau, dang thiic nao 14 dong nhat thic?
A. cos2a =2sin’a-1. B. sin?2a +cos?a =1.
C. cosacosff= 3 [cos(a — B) + cos(a + B)]. D. sin2a =sinacosa.
@ Cau 71. Tinh gia tri ctia biéu thiic B = cos75° cos 15°.
A B=1. B. B=-. C.B=-1. D. B=-1.
2 4 2 4
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n , e e . . , 3 5
@ Cau 72. Tinh gia tri ctia biéu thitc C = cos T cos 22 cos 771

A C==. B.Cc-1. c.c--1 D.Cc--1
8 4 4 8

@ Cau 73. Tinh gi4 tri ca biéu thiic @ = sin6°sin42°sin66°sin 78°.
1 1 1 1
A Q== B. @=-. C. @=-. .
@ 2 @ 4 Q 8

@ Cau 74. Trong cac khing dinh dudi day. Khang dinh nao 1a khang dinh sai?
1 1
A. sinasinf = 3 [cos(a — B) — cos(a + B)]. B. cosasinff= 3 [
1
D. sinacosff= 3 [cos(a — B) + sin(a + B)].

sin(a + ) — sin(a — f)].
C. cosacosff= % [cos(a + B) + cos(a — B)].

@ Cau 75. Tinh gia tri ctia biéu thitc sin75° cos 75°.

A. B. 1 C. 1. 1.
3 4

AN
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@ Cau 76. Cho tam giac ABC. Péang thiic nao dudi day dung?

A. 2sin—.sin —.sin— =sinA +sinB +sinC. B. 4sin—.sin—.sin— =sinA +sinB +sinC.

C. 2cos—.cos—.cos— =sinA +sinB +sinC. D. 4cos—.cos—.cos — =sinA +sinB +sinC.
2 2 2 2 2 2

@ Cau 77. Tinh gi4 tri ctia biéu thiic sin825° cos(—15°) +cos 75° sin(—555°) + tan 155° tan 245°.

A, -2 B. 1. C. 0. D. 2.
" A ae e , .a . 2a . o
@ Cau 78. Bién d6i biéu thic M = sin = sin — thanh tong.

1

A. —(sin8a —sin2a). B. 4sin(E +a) +sin(£—a).
P s

C. —(cosa——cos—a). D. —4cosa+sin22.
2 5 5 2

@ Cau 79. Gia tri 16n nhat va gia tri nhé nhat cta biéu thitc P = 2cos2x +sin® x 1an luot 1a
3 1

A. 3va-3. B. évé 5 C. 1vas. D. 2va -1.
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@ Cau 80. Gia tri 16n nhat va gia tri nhé nhat cta biéu thic P = 5sin?x + 3cos®x + 2cos2x 1an
lugt 1a
A. 3va-3. B. 5va -3. C. 4va 4. D. 3va —4.
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YWGV: Doan Thinh

CHUONG ]/ VECTO

BAI1. VECTO - CAC PINH NGHIA

@ TOM TAT Li THUYET

0 BINH NGHIA VECTO.

™ Vecto la doan thang c6 huéng, nghia la trong hai diém Z\)>

mut cia doan thang da chi ro diém nao 13 diém dau,
diém nao 1a diém cubi .
& Vects c6 didm din la A, diém cubi 1a B ta ki hiéu ; AB. a
@ Vecto con dudc ki hiéu la: 6’,3,7,7,... <
& Vecto — khong 1a vecto c6 diém dau trung diém cudi. Ki <
higula 0.

€) HAI VECTO CUNG PHUONG, CUNG HUONG.

& Duong thang di qua diém dau va diém cudi caa B/
F

vecto goi la gia cua vecto. )
@ Hai vecto ¢6 gia song song hodc trung nhau goi la A

hai vectd cung phudng. - /b
& Hai vecto cung phuong thi hoac cung hudng hoac -7 C
ngudc hudng.

n Pac biét: Vecto — khong cung hudng véi moi véc to. %

€) HAIVECTO BANG NHAU.

& Do dai doan thing AB goi 1a d6 dai véc to AB, ki hisu \A_B’ ‘ Vay \ﬂa’ | — AB.

& Hai vects bang nhau néu ching cung huéng va cung do dai.

€)» CAC DANG TOAN

( D

0 Dang 1. Xdc dinh mét véc-to, phuwong huéng cla véc-to, dd dai cla véc-to

(D) Xdc dinh mét véc-to va xdc dinh su cung phuong, cung hudng ciia hai véc-to theo
dinh nghia.

(2 Dua vao cdc tinh chat hinh hoc ctia cdc hinh dda cho biét dé tinh dé dai clia mét
véc-ta.
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m Vi du 1. Cho tam giac ABC. Goi M, N, , P lan ludt 1a trung dlem cua BC, CA, AB.
@ Llet ké tAt ca cac véc-to khac vée-td 0 , cung phuong véi MN va c6 diém dau, diém
cubi lay trong cac diém da cho.
@) Llet ké tAt ca cdc véc-to khac vée-to 0 , cung phuong véi AB va c6 diém dau, diém
cubi 14y trong cac diém da cho.
(3) Vé cac véc-to bang véc-to NP ma c6 diém dau la A hoac B.

N\, * 2 e
C1 g1ai:
.
................................................................................................

[ Dang 2. Chitng minh hai véc-to bdng nhau
Dé chiing minh hai véc-to bang nhau ta chiing minh chiing co cung d do daz va cung hu’Ong
hodc dua vao nhdn xét néu ti gidc ABCD la hinh binh hanh thi AB=DC va AD = BC.

Vi du 1. Cho ti gidc ABCD. Goi M, N, P, Q lan ludt 14 trung diém AB, BC, CD, DA.
Ching minh MN =QP

Lai giai:

(® 71U LUAN

@ Cau 1. Cho ti gide ABCD. C6 thé xac dinh dudce bao nhiéu vects (khac 0) ¢6 diém dau va
diém cubi la cac diém A, B, C,D ?

@ Cau 2. Cho AABC c6 A',B’,C’ 1an ludt 1a trung diém cta cac canh BC, CA, AB.
(1) Chitng minh: BC'=C'A=A'B'.
(2) Tim céc vects bang B'C’,C'A’.
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@ Cau 3. Cho ti gidac ABCD. Goi M,N,P,Q lan ludt 1a trung diém ctia cac canh AB, CD, AD,
BC. Chitng minh: MP=QN;M@ =PN.

@ Cau 4. Cho ngii gidc ABCDE . C6 bao nhiéu vecto khac vecto-khong c6 diém dau va diém
cuoi la dinh cta ngt giac.

@ Cau 5. Cho hinh binh hanh ABCD ¢6 tam la O. Tim céc vectd tit 5 diém A, B, C, D,0.
(1) Bang vects AB; OB.
@) C6 @b dai bing (O_B’).

(4 Cau 6. Cho tam gidc ABC c6 trong tam G. Goi I la trung diém cta BC. Dung diém B’ sao
cho BB' =GA.

@) Chiing minh BI =1IC. .

2 Goi J 1 trung diém ctia BB'. Chiing minh BJ = IG
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@® TRAC NGHIEM

@ Cau 1. Chon khang dinh dung.
A. Vecto 1a mot duong thang c6 hudng.
B. Vecto 1a mot doan thang.
C. Vectd 1a mot doan thang khong phan biét diém dau va diém cubi.
D. Vecto 1a mot doan thang c6 huéng.

@ Cau 2. Vectd c6 diém dau D diém cudi E dudc ki hiéu la:
A. DE. B. ED. C. |DE|. D. DE.

@ Cau 3. Khang dinh nao sau day 1a dung?

Ca
A. Hai vecto cung phuong néu hai vects d6 song song hoic trung nhau.
B.

Hai vecto cung phuong véi mot vecto khac vects khong thi hai vecto dé cung phuong véi
nhau.

Hai vectd cung phudng néu hai vecto d6 ¢6 cung diém dau va diém cubi.
. Hai vecto cung phuong thi chiing cung huéng véi nhau.

g

@ Cau 4. Cho tam gidc ABC, c6 bao nhiéu vectd (khac vecto khong) c6 diém dau va diém cubi
la 3 dinh chatam giac ABC.

A. 2. B. 6. C. 3. D. 4.
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@ Cau 5. Cho hai diém phan biét A va B, héi c6 bao nhiéu véc-to dudc tao thanh tir hai diém
do?

A. 2. B. 1. C. 4. D. 3.

@ Cau 6. Trong cac ménh dé sau day, ménh dé néio_) la I_I)lénh dé sai?

A. Hai diém A va B trung nhau khi va chi khi AB= 0.

B. Vec-to MN cung phuong véi hai véc-té khong cung phuong khac thi M trung véi N.

C. Hai diém E va F trung nhau khi va chi khi EF = —-FE.

D. Hai diém P V%l @ trung nhau khi va chi khi gia cua P—Q) ludn song song hoac trung véi
mot duong thang bat ki khac.

@ Cau 7. Cho luc giac déu ABCDEF c6 tam 1a 0. Cé bao nhiéu véc-té bang véc-to BC dudce
tao thanh ti cac diém da cho?
A. 8. B. 3. C. 2. D. 5.

@ Cau 8. X4c dinh m(iph\dé ding trong cac ménh dé sau day.
A. Hai véc-to @ va b bang nhau khi va chi khi ching cung huéng va cung d6 dai.
B. Hai véc-to @ va b bang nhau khi va chi khi chiing cung phuong va cung d6 dai.
C. Tt gidec ABCD la hinh binh hanh khi va chi khi AB =CD.
D. Néu AB = CD thi t& gidc ABDC 1a hinh binh hanh.
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@ Cau 9. Cho tam giac déu ABC, ménh dé nao sau day 1a ménh dé sai?

A. AC#BC. B. \Ké\ = (Eﬁ(
C. AC khéng ciing phuong BC. D. AB=BC.

@ Cau 10. Cho céc véc-to nhu hinh vé, c6 bao nhiéu cép véc-to cung phudng xuét hién trong
hinh?

A. 3. B. 7. C. 8. D. 6.

@ Cau 11. Ménh dé nao sau day 1a ménh dé dang?
A. C6 duy nhat mét véc-td cung phudng véi moi véc-ts khéc.
B. C6 it nhat hai véc-td cung phuong véi moi véc-to khac.
C. C6 vo s6 véc-to cung phuong véi moi véc-to khac.
D. Khong ton tai véc-to cing phuong véi moi véc-to khac.
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@ Cau 12. Cho hinh thoi ABCD, khang dinh nao sau day 1a sai?
A. AD=CB. B. |AD|=|cB|. C. AB=DC. D. |AD| = |AB|.

@ Cau 13. Cho bén diém phan biét A, B, C, D théa man AB = DC, phat biéu nao sau day 1a
sai?

A. AB=CD.

B. AB va CD la hai véc-to dbi nhau.

C. ABCD la hinh binh hanh.

D. AC va BD nhan cung mét diém lam trung diém.

@ Cau 14. Cho doan thang AB cb dinh, tap hop cac diém R théa man ‘R—A) ) = ‘E ‘ la
A. mot diém. B. mét duong thang. C. mét duong tron.  D. mot doan thang.

@ Cau 15. Cho ba diém phan biét A, B, C thang hang theo thi tu dé. Khang dinh nao sau

day la sai?
A. AC cung hudng véi BC B. AB cung huéng véi BC
C. CB ngudc huéng véi BA. D. BC ngudc hudng véi BA.

@ Cau 16. Trong ba ménh dé sau day, c6 bao nhiéu menh dé sai?
I. Néu hai véc-to @ va b cung phuong véi ¢ thi @ va b 1a cung phuong.
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II. Néu hai véc-to @ va b cung huéng véi ¢ thl avab la cung hudng.
II1. Néu hai véc-t6 @ va b ngudc huéng véi ¢ thi @ va b 1a cung hudéng.
A. 0. B. 2. C. 1. D. 3.

@ Cau 17. Cho hinh vuéng ABCD tam O c6 canh 1a 5 cm. Khi d6 ta c6

A. AC=502. B. ‘E&):s. C. BD = v2BC. D. BO =

@ Cau 18. Cho tit gidc ABCD c6 AB =DC va (Zﬁ ] - \ZB \ thi ti gidgc ABCD 1a hinh gi?
A. Hinh thoi. B. Hinh chi nhat. C. Hinh binh hanh. D. Hinh vuong.

(4 Cau 19. G01 M 1a trung diém cua doan thang AB. Khang dinh nao sau day la dung?

A. MA MB. B. ABva AM cung phuong.
C. ABva MB ngudc hudng. D. ’AB‘ = ‘MB‘

@ Cau _gO. gho hinh chtt nha L gp co tam la I. Khang dinh nao sau day Ed _g
A. TA=BI. B. IC=DI. C. Al = IC D. BI=DI.

Suu tam va bién soan



1. VECTO - CAC PINH NGHIA WGV: Doan Thinh

Suu tam va bién soan



2. TONG VA HIEU HAI VECTO WGV: Doan Thinh

BAI2. TONG VA HIEU HAI VECTO

@ TOM TAT LY THUYET

0 TONG HAI VECTO

Pinh nghla 1. Cho hal vectd a; Z) Tu dlem A tuy y
vé AB= r6i tu B vé BC = b khi d6 vectd AC dudc goi @ @

1a tong cta hai vects @ va b. i~
thleuAC— a+b.

Tinh chét: o
@ Giaohodn: @+b=b+d

@ Kéthop: (@ +b)+7C _a’+(_’+j)
(3) Tinh chat vecto — khéng: @+ 0 =@,Va

€) HIEU HAI VECTO.

Pinh nghia 2. Vecto d6i cia vecto @ la vecto ngude huéng va cung do dai véi vecto @.
Ki hiéu —-a. .

Nhu viy @+ (-a)=0,vYa@ vd AB =-BA

Pinh nghia 3. Hiéu cta hai vecto @ va b 1a téng cua vecto @ va vecto d6i cua vecto b.
Kihitulad-b =a+ (—F).

€ CcAcauviic

& Quy tic ba diém: Cho A, B, C tuy ¥, ta ¢6: | AB+BC = AC
& Quy tic hinh binh hanh: Néu ABCD 12 hinh binh hanh thi|AB +AD = AC|.
@ Quy tic vé hidu vects: Cho O, A, B tiy ¥ ta c6: |OB - OA = AB

Chu y: Ta c6 thé mé rong quy téc ba diém cho n diém A4, As,..., A, thi

A1A2 +A2A3 9P 600 +An_1An = AlAn

€) CAC DANG TOAN

(O Dang 1. Xac dinh véc-to

Dua vao quy tdc cong, triz, quy tiac 3 diém, hinh binh hanh, ta bién déi va dung hinh dé
xdc dinh cdc véc-to.
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@ Vidu 1. Cho tam giac ABC

@ Xac dinh véc-to @ a I—AB +BC.
(2) Xéac dinh véc-to b = AB AC.
(3) Xé4c dinh véc-to ©=AB+AC.

Loi giai:

................................................................................................

................................................................................................

(3 Dang 2. Tinh dd dai cla tdng va hiéu hai véc-to

(D) D6 dai clia vée-to bang dé dai ciia doan thdng cé hai ddu muit la diém dau va diém
cuoi cia véc-to do.

(2) Ta thuong st dung cdc cong thiic vé canh nhu hé thiic luong tam gidc vuéng, dinh
ly Pytago, tinh chat tam gidc déu, hinh chi nhdt, hinh vuéng,. . .

@ Vi du 1. Cho tam giac déu ABC canh a. Tinh |AB AC‘

Loi giai:

................................................................................................

................................................................................................

Lai giai:

................................................................................................

(3 Dang 3. Chirng minh déng thitc véc-to

& Su dung quy tdc ba diém.
& S dung quy tdc hinh binh hanh.

@# Vi du 1. Cho 5 diém A, B, C, D, E. Ching minh ring AB+CD +EA =CB+ED
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Loi giai:

................................................................................................

® 1V LAN

@ Cau 1. Cho hinh binh hanh ABCD cé tam O. X4ac dinh cac véc-to sau day:
(1) OA+0B+0C +0D @) OA+BO+CO+DO
(3) AC+BD+BA+DA @ OA +CB+0C+AD

@ Cau 2. Cho hinh binh hanh ABCD, ¢6 tam O. Hay xac dinh céc véc-to sau day:

(1) ¥ =AB +AD. 2 ¥=A0 +CD. 3) Z=CD-AC. @ 7 =0A-BD.

@ Cau 3. Cho tam giac ABC. Tim véc-to ¥ trong cac truong hop:

@ Z+BC=AC+BA @ CA-Z-CB=AB

@ Cau 4. Cho bon diémA,B,C,D. Chiing minh:
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(1) DA-CA=DB-CB. @ AC+DA+BD=AD-CD +BA.

@ Cau 5. Cho cac diém A,B,C,D,E,F. Ching minh AD + BE + CF = AE + BF +CD.

@ Cau 6. Cho 6 diém A,B,C,D,E,F. Ching minh:
@) AB+DC=AC+DB. (2) AD +BE +CF = AE +BF +CD.

@ Cau 7. Cho 4 diém A,B,C,D. Goi I,J lan ludt 12 trung diém ctia AB va CD. Chiing minh:
(1) Néu AB =CD thi AC=BD @) AC +BD =AD +BC =2IJ.

@ Cau 8. Cho hinh vuéng ABCD c6 tam 1a O va canh a. M 13 mét diém bat ky. Tinh \Eg’ +AD
)O—A’ ~CB|,|CD-DA ]

5

)
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@ Cau 9. Cho tam giac ABC déu canh a. Tinh do6 dai cta cac vects sau AB —ZB,XB +AC.

@® TRAC NGHIEM

(4 Cau 1. Cho I la trung diém ctia doan AB. Chon menh de dang trong cac menh gg sau?
A. IA+IB 0. B. IA+IB=0. C. AI BI D. AI——IB

(4 Cau 2, Cho hlnh blnh hanh ABCD. Tim dang thic dung trong cac dang thiic sau.
A. AB+AC DB+DC B. AB DB+BC
C. AB+CB=CD +DA. D. AC+BD=0.

@ Cau 3. Cho 5 diém A, B, C,D,E. Khi d6, tongAB+BC+CD+DE bang .
A. 0. B. EA. C. AE. D. -BE.

(4 Cau4 Cho sau dlemABCDEthan biét. Menh de nao sau day sal‘?
A. AB+DF+BD+FA O N B. BE CE+CF BF O R
C. AD +BE +CF = AE + BF +CD. D. FD +BE +AC =BD + AE +CF.
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A. GA+GB+GC=0. B. AG+BG+CG = 0,
C. GA=GB=GC. D. GA+GB+GC=0.

(4 Cau 5. Giasu dlemGlatrong tam ctaa tam giacABC. Daig) thuc nao sau day dung?

% Cau 6. Cho véc-to @ va b théaman @+ b =
b. Chon menh dé dung.
A. OA OB

B. O la trung diém doan AB.
C. B la trung diém doan OA. D. A la trung diém doan OB.

0. V6i diém O bat ky, dung véc-td OA = 7,08 =

@ Cau 7. Cho vec-td @ va b 1a hai véc-to dbi nhau. Véi diém O tuy ¥, dung OA = @,AB=b.
Tim ménh dé ding.

A. O=B. B. A=B.

C. 0=A. D. OA =0B.
@ Cau 8, Cho hinh binh hanh ABCD. Tinh téng BC :BX .
A. AC B. BD. C. 0. D. CD.

275 Suu tam va bién soan



2. TONG VA HIEU HAI VECTO WGV: Doan Thinh

@ Cau 9. Cho tam gidc ABC déu canh 2a. Tinh theo a d6 dai ctia véc-to @ = BA + CA.

A. aV3. B. aT\/g. C. a. D. 2a.

10 Cho hinh thang ABCD ¢6 AB=a, CD =3a, AB | CD. Tinh theo a d6é dai cia véc-to

[ Cau
7:A B+DC.
A. B. 4a. C. a. D. 3a.
@ Cau 11.
Cho hinh Vuong MNPQ tam O. Xac dinh tong MO +PN. N Q P
A. MN. B. OP. C. OQ D. QO.
(0]
M N

@ Cau 12. Cho hinh binh hanh ABCD. Goi G 1 trong tAm cia ABC. Ménh dé nao sau day

A. g_é+(£;')+g_12:BD. B. (_}_4+C_¥£+Q_Q:Q_§.
C. GA+GC+GD=0. D. GA+GC+GD =CD.
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@ Cau 13. Tong NM+PQ +RN+QR bang . N
A. PM B. MP. C. MQ. D. MN.

@ Cau 14. V6i bén diém A, B, C, D trong d6 khong c6 ba diém nao thang hang. Chon cau
ding trong cac cau sau
A. ABCD 13 hinh binh hanh khi AB = DC

B. ABCD la hinh binh hanh khi AB +AD = AC.
C. ABCD la hinh binh hanh khi AD = BC.
D. ABCD la hinh binh hanh khi AD = CB.

@ Cau 15. Cho ba diém bat ky A, B, C .Eéng thitc nao sau day ding? o
A. AB=CB-CA. B. BC=AB-AC. C. AC=CB-BA. D. CA=CB-BA.

(4 Cau 16. Cho ba ¢ diém bat ky A, B, C. Dang thic nao sau day sai? e
A. CA=BA-BC. B. AB=AC-CB. C. BC=AC+BA. D. AB+BC=-CA.

@ Cau 17. Cho hinh binh hanh ABCD c¢6 O 1a giao diém cta hai dudng chéo. Ménh dé nao
sau day sai?
A AC-AB-AD. B.|AB+AB|-Ac. C.AB-CB. D. B4 +5C- 3D,
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L_)Céu 18. Goi O 1a tam caa hinh vuéng ABCD. Véc-t6 nao trong cac véc-té dudi day bang
CA
A. BC+AB. B. OA+0C. C. BA+DA. D. DC-CB.

@ Cau 19. Cho ba diém A, B, C bat ky. Ménh dé nao sau day ding?
A. AB+BC=AC. B. AB+BC=CA.
C. AB:BCc»‘AB’:‘BC’. D. AB+CA=CB.

@ Cau 20. Cho tam gidc ABC la tam giac déu, O 1a tAm dudng tron ngoai tiép tam giac. Ménh
dé nao la du_g trong cac menh de sau‘? L .
A. OA+0B=0C. B. OA+0C=0B. C. OA=0B+0C. D. OA+0B=CO.

(4 Cau 21. Cho h1nh b1nh hanh ABCD c6 O la giao dlem cua hai du0ng cheo Khi do,
A. OA+OB CO+DO B. OA+OB+OC+OD AD.
C. OA+O0B+0C=0D. D. OA+BO=C0+DO.
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@ Cau 22. Cho ti gidc ABCD. Xét cac khéng dinh sau

(: 4B BC+CByDA-T (I: A5 -AD-CB-CD
(I): AB+BD-CD=CA (IV): AC-AB=DB-DC

Tim s6 khang dinh ding.
A. 0. B. 1. C. 2. D. 4.

i_gﬁu_g& Cho tam giac ABC la tam giac déu c6é canh bing a. P dai véc-to AB +BC va
AB-BC lan lugt 1a
A. avaaVs. B. Déu bang a. C. ava 2a. D. a vaaVv2.

@ Cau 24. Cho niam diém A,B,C,D,E. Véc-td T = AC +DE —-DC—CE +CB bing véc-td nao dudi
A. AC. B. AB. C. DB. D. AD.

@ Cau 25. Cho hinh binh hanh ABCD. Ménh dé nao sau day ding?

C. DA+DB+BA=0. D. DA-DB+DA=0.
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@ Cau 26. Cho véc-t6 AB va mot diém C. C6 bao nhiéu diém D théa man AB—CD = 0?
A. 1.

B. 2. C. 0. D. vo sb.

[

au 27. Khang dinh nao sau day sai?
Néu @ 1a véc-to dbi cha b thi || = ’b ’

N

Néu b 1a véc-to dbictia @ thi b =-a

—>—>

. Néu o 1a véc-to dbi cua b thiag+b =

Ca
A.
B. Néu @ va b ngude huéng thi b 1a véc-to déi ctia .
C.
D

(4 Céiu 28. Cho hinh chit nhat ABCD. Khéng dinh nao sau day sai?
‘AB+AD) ]CB+CD) B. AB+AD =BC-CD.
C. AB+BD =CB+CD. D. AD-AC =CD.

(4 Cau 29. Cho bon dlem A, B, C, D. Khang dinh nao sau day sai?
A. AB+DA AC+AB B. AB+DC AC+DB.

C. BC-DC=BD. D. AE+DA =DC +CB.
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@ Cau 30. Cho hai luc F; = F5 = 100N, c6 diém dat tai O va tao véi nhau géc 120°. Cuong do
luc tong hop cta hai luc ay bang bao nhiéu?
A. 100 N. B. 100v/5 N. C. 200 N. D. 50v3 N.

281 Suu tam va bién soan



3. TICH CUA MOT SO VOI VECTO WGV: Doan Thinh

BAI3.  TICH CUA MOT sO VI VECTO

O TOMTAT LY THUYET
€0  DINH NGHIA.

Tich ctia vecto @ véi s6 thuc £ # 0 14 mot vecto, ki hiéu 1a 2@

™ Néuk >0, k@ cung huéng véi cung huéng véi @ va c6 do dai bang |k||T|.
& néu k <0 k@ ngudc huéng véi @ va cé do dai bing |&|| 7|

Quy wéc:0-T=0 vak-0=0.

Tinh chét:

(& (k+)d =kad+ld.
(& k(@+b)=kd +kb.
(& k(md)=(km)d. @ 1.3=

€ DIV KIEN BE HAI VECTO CUNG PHUONG.

& b cung phuong @ (@ # 0) khi va chi khi ¢6 86 k théa b =k@.
@ Diéu kién can va da dé A,B,C thang hang 1a c6 so % sao cho AB=EAC.

O PHAN TICH MOT VECTO THEO HAI VECTO KHONG CUNG PHUONG.

— 2 S = 4 . — 2 o2 X —> — = a0
Cho a khong cung phuong b. V6i moi vectd x ludon dude biéu dién x =ma +n b véi m,n
la cac so thuce duy nhat.

Tinh chét:
(1) Cho I 1a trung diém ctia doan AB, véi moi M ta c6:| MA + MB =2MTI |.
(2) Cho G la trong tam AABC, v6i moi M ta c¢6:| MA+MB+MC =3MG

€)» CcAc DANG TOAN

[ Dang 1. Céc bai todn sir dung dinh nghia va tinh chét cia phép nhan véc-to véi
mot so.

Ap dung dinh nghia va cdc tinh chét ciia phép nhéan véc-to véi mét sé dé gidi cde bai tap.

Vi du 1. Cho AABC c6 trong tdm G. Goi I 1a trung diém ctia BC. Hay tinh:

(@) BC theo IB. @2 BC theo IC. 3) AG theo IA.

Loi giai:
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(D Dang 2. Phéan tich mét véc-to theo hai véc-to khéng cung phuong

Dung cdc quy tdc vé véc-to dé phan tich mot véc-to theo hai véc-to khong cung phuong.
Cho @ khong cung phwang b. Véi moi vecto X ludn duoc biéu dién ¥ =ma +n b véi m,n
la cde s6 thuce duy nhat.

it V1 du 1. Cho tam giac ABC c6 G la trong tam. Phan tich véc-to AG theo 2 véc-to AB
va AC.

Loi giai:

................................................................................................
................................................................................................

Vi du 2. Cho hinh binh hanh ABCD. Goi M la trung diém cua canh CD. Phan tich
véc-td AM theo 2 véc-tc AB va AC.

Lai giai:

................................................................................................

(3 Dang 3. Chirng minh déng thitc véc-to cé chira tich ctia véc-to véi mét sé

Phuong phap giai:
(¢ Hudng 1: Bién déi mot vé thanh vé con lai. Khi dé:
— Néu xudt phdt ti vé phiic tap ta can thuc hién viéc don gidn biéu thic.
— Néu xudt phdt tir vé don gidn ta can thuc hién viéc phdn tich véc-to.
(¢ Huédng 2: Bién doi dang thiic can chiing minh vé mot dang thitc da biét la luon ding.
(¢ Hwéng 3: Bién doi moét dang thic véc-to da biét luon duing thanh dang thic can
chiing minh.

Vi du 1. Cho hinh binh hanh ABCD. Ching minh ring: AB + 2AC + AD = 3AC.

Loi giai:
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Vi du 2. Cho tit gidc ABCD. Goi M va N lan lugt 1a trung diém céc doan thang AB
va CD. Ching minh rang: AC + BD = 2MN.

Lai giai:

Vi du 3. Cho tam gidc ABC. Goi M 1a diém trén canh BC sao cho MB =2MC. Chiing
N —_—s 11— 2—
minh rang: AM = §AB + §AC.

Loi giai:

(® 71U LUAN

@ Cau 1. Cho hinh h binh hanh ABCD c6 tam O. Goi M, N lan luot 1a trung diém ctia AD, BC.
@) Tim x, y biét AB = xOM BD = yOB
(2) Tim tat ca cc véc-to @ thoéa man ¥ = 20N.

@ Cau 2. Cho tam gidc ABC. Goi H, K lan lugt thuoc 2 canh AB va AC sao_ch cho 3AH =2AB,
3AK = AC. Trén canh BC lay diém M sao cho 4BM = 3MC. Phan tich véc-to BM theo 2 véc-to
AH va AK.
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@ Cau 3. Cho tam glac ABC, co AM la trung tuyén. I 1a trung diém ctia AM.
(@) Chiing minh: 2IA +IB+IC=0.
(2) Véi didm O bét k¥, chitng minh: 204 + OB + OC = 401.

@ Cau 4. Cho hai tam giac ABC va A'B'C’ 1an lugt c6 cac trong tam 1a G va G'. Chiing minh
AA'+BB'+CC' =3GG".

@ Cau 5. Cho tam gidc ABC. Goi M la diém trén canh BC sao cho MB = 2MC. Chiing minh:
AM = 2AB+2AC.
3 3

@ Cau 6. Cho tam glac ABC. G01 M 1a trung diém ctia AB, D la trung diém caa BC, N la
diém thudc AC sao cho CN =2NA.K la trung diém ctia MN. Chlmg minh:

@ Cau 7. Cho hinh thang OABC. M,N lan ludt 1a trung diém ctia OB va OC. Chiing minh
rang:

(D AM = ;0B-04. @ BN = 5oc OB. @MN:§(OC—OB).

Suu tam va bién soan



3. TICH CUA MOT SO VOI VECTO WGV: Doan Thinh

@ Cau 8. Cho AABC. Goi M, N lan ludt 1a trung diém ctia AB,AC. Chiing minh rang:

@ AB=-3CM- BN @ AC=-CM-2BN @ MN=3BN-_CM.

® TRAC NGHIEM
@ Cau 1. Cho tam gidc ABC c6 trung tuyén AM va trong tAm G. Khang dinh nao sau day
dang?

A. AM=AB+AC.

w

:%(MA+MB+MC).

C. AM =3MG. D. AG = Z(AB+AC).
3

@ Cau 2. Néu G la trong tam tam giac ABC thi dang thitc nao sau day ding?

A. AG_Z(AB+AC) B. Ezg(ﬁ+ﬁ).
C. AG=2 (AB+AC] D.ﬁzg(ﬁ+ﬁ).

u 3. Cho ba diém phan biét A, B, , C. Néu AB = —3AC thi dang thic nao dut01 day diung?
BC=-4AC. B. BC=-2AC. C. BC=24AC. D. BC=4AC.
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(4 Cau 4, Cho hinh binh hanh ABCD. Khang dinh nao sau day ding? L
A. AC+BD ZBC B. AC+BC AB C. AC BD = ZCD D. AC-AD=CD.

@ Cau 5. Cho hinh vuéng ABCD tam O. Khéng dinh nao sau day sai?
A. AC+BD=2BC. B.0A+0B=_CB. C.AD+D0=-,CA. D.AB+AD=240.

@ Cau 6. Cho G la trong tam tam giac ABC, goi I 1a trung diém ctaa BC. Pang thic nao sau
day dung?
A. GA=2GI. B. 1G=-.T4. C. GE+GG=2GI. D.GE+GC=GA.

@ Cau 7. Cho tam gidc ABC va mot diém M tuy y. Hay chon hé thiic dung
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A. 2MA +MB-3MC = AC +2BC. B. 2MA + MB - 3MC = 2AC +BC.
C. 2MA+MB-3MC =2AC +CB. D. 2MA +MB-3MC =2CA +CB.

@ Cau 8. Cho tanig)lac ABCco M 14 trung diém ctia canh BC. Cac diém D, E théa man céc
dang thic: BD =4BA, AE = 3AC. Khang dinh nao sau day ding?

» — 1—
@ Cau 9. Cho hinh binh hanh ABCD, tam O. Goi P 1a diém théa man hé thiic OP = _§OA'
Khang dinh nao sau day ding?
A. AP=_4C. B. 4B =->AC, C. AP =40, D. AB = -AC.

@ Cau 10. Cho tam giac ABC c6 M la trung diém ctia BC. Trong ciac ménh dé sau, ménh dé
nao la Sa_i?) — — — — — — — — — — —
A. 2AM=AB+AC. B. 2AM=2AB+BC. C. 2AM=2AC-BC. D.2AM=2AC+BC.

(4 Cau 11. Cho h1nh binh hanh ABCD. Trong cac menh de sau, menh dé nao 1a ding?
A. AC ZAB +AD B. AC AB+2AD
C. AC=AB-AD. D. AC=AB+AD.

288 Suu tam va bién soan



3. TICH CUA MOT SO VOI VECTO WGV: Doan Thinh

@ Cau 12. Cho tam giac ABC c6 G la trong tam tam gidc. Trong cdc ménh dé sau, ménh dé
nao la dung?

A. GA+BG+CG=0. B. AB+AC =3AG.

C. AB+AC=2AG. D. 2AB +BC = 2AG.

@ Cau 13. Cho tam gidc ABC va A'B'C’ ¢6 trong tam lan luct 12 G va G'. Trong cac ménh dé
sau, ménh dé nao la dung?
1 — 1
A GG'=3 (AA' +BB' + CC’). B. GG'= (AA’ +BB'+ CC').
N 1
C. GG'=AA' +BB +CC.. D. GG'= (AA' +BB'+ cc').

@ Cau 14. Cho diém A va véc-to 7. C6 bao nhiéu diém M thoa man AM = 7?
A. Duy nhét mét. B. Hai. C. Khong cé. D. V6 sb.

@ Cau 15. Cho ba diém khéng thing hang A,B,C va M 1a didm thoa min AB = CM. Chon

khéng dinh ding.
A. ABMC la hinh binh hanh. B. ABCM la hinh binh hanh.
C. M la trong tam cua tam giac ABC. D. CM la trung tuyén ctia tam giac ABC.
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@ Cau 16. Cho hai dim A, B phan biét va diém M thoa man MA = AB. Khi dé,
A. M 1a trung diém AB. B. M 1a diém d6i xting véi A qua B.
C. M 1a diém d6i xting véi B qua A. D. M trung véi A.

@ Cau 17. Cho tam giac ABC va diém M tuy ¥. Pang thiic ndo sau day khéng suy ra dudc G

la trong tam tam glac ABC?
A. AG +BG + CG 0
C. GA+GB+GC =3GM.

B. GA+GB+GC=0.
D. MA+MB+MC =3MG.

@ Cau 18. Cho I 1a trung diém doan théng AB. Trong cic ménh dé sau, ménh dé nao dung?

1 — 1—

A. IA=1B. B. E{:EE’. C. AB =2A1. D. IB=-_AB.

@ Cau 19. Cho hai vecto tuy y o, b va hai b thuc &, k bat ki. Trong cdc ménh dé sau, ménh

dé nao sai? N N
A. h(a’—b):ha’—hb. B. (h+k) T =ha +E3.

C. h(kT)=(hh)T. D. (-1)@ =

—
a.
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@ Cau 20. Vecto déictia w =3a —4b + = ¢ 1a vecto nao sau day?
A. v=-3a+4b--"7. B. v=-d--b+27.
12 3 4 1
C. V=33 +4b + 7. D. ¥=-3G-45 -7

@ Cau 21. Cho AABC c6 trong tAm G va trung tuyén AM. Trong cic ménh dé sau, ménh dé
nao sal?

A. GA +2GM 0 B. OA +OB + OC 3OG v6i moi diém O.

C. GA+GB+GC=0. D. AM = -2MG.

@ Cau 22. Goi CM la trung tuyén ctia tam gidc ABC va Dla trung diém cta CM. Pang thic
nao sau day dung‘? .

A. DA+DB+2DC=0. B. DA+DC+2DBE=0.

C. DA+DB+2CD=0. D. DC+DB+2DA=0.

@ Cau 23. Chon phat biéu sai?
A. Ba diém phan biét A,B,C thang hang khi va chi khi AB = kBC k#0.

B. Ba diém phan biét A,B,C thang hang khi va chi khi AC =kBC,k #0.
C. Ba di&m phan biét A,B,C thng hang khi va chi khi AB = kAC,k #0.
D. Ba diém phan biét A,B,C thng hang khi va chi khi AB = kAC.
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@ Cau 24. Cho tam gidc ABC véi trung tuyén AM va trong tam G. Khi d6 GA =

A. 2GM. B. -GM. C. %KM’. D. %XM’.

@ Cau 25. Cho tam giac ABC c6 trong tam Gva trung tuyén AM. Khang dinh nao sau day 1a
sai:

A. CE)A)+2_@)T/I):__Q) N B. O__K)+5§+_5)_C>:35_§,v6imoidi§m0.
C. GA+GB+GC=0. D. AM =-2MG.

@ Cau 26. Cho hinh binh hanh ABCD. Téng cac vecto AB+AC+ADla
A. AC. B. 2AC. C. 3AC. D. 5AC.

Cau 27. Cho ba diém A,B,C phan biét. Piéu kién can va da dé ba diém d6 thang hang

& e

A. YM:MA+MB+MC=0. B. YM:MA+MC = MB.
C. AC=AB+BC. D. 3kcR:AB=FAC.

@ Cau 28. Hay chon két qua ding khi phan tich vecto AM theo hai véctd ABvAAC ctia tam
giac ABC véi trung tuyen AM.
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A. AM=AB+AC. B. AM=2AB+3AC. C. AM:E(AB +AC). D. AM:§(AB+AC).

@ Cau 29. Cho hinh binh hanh ABCD. Dang thitc nao sau day ding? L
A. AC AD = CD B. AC BD = 2CD C. AC +BC AB D. AC+BD =2BC.

@ Cau 30. Cho tam giac ABC, goi M la trung diém ctia BC va G 1a trong tam ctia tam giac
ABC. Pang thuc vecto nao sau day dung?

A. 24 = 3AC. B. AM = 2AC. C. ﬁ+ngm. D. AB+AG = 2GM.

@ Cau 31. Cho tam giac ABC, goi M la trung diém ctia BC va G 1a trong tam ctia tam giac
ABC. Cau nao sau day dung? o o
A. GB+GC=2GM. B. GB+GC=2GA. C. AB+AC =2AG. D. AB+AC=3AM.

@ Cau 32. Neu G la trong tam glac ABC thi dang thic nao sau day dung.

A K—é_AB;AC. B. ?_AB;AC- C. ——6_3(AB+AC) D.XC?:%AB;AC).
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@ Cau 33. Dbiéu kién nao duéi day 1a diéu kién can va da dé diém O 1a trung diém cta doan

AB.
A. OA=O0B. B. OA =0B. C. AO=B0. D. OA+0B=0.
@ Cau 34. Cho hai vecto @ va b khong cung phuong. Hai vecto nao sau day cung phuong?
U S rig > TN o=
A. —3a+bva—§a+6b. B. —éa—b va2a+b.
1 — 1 — 1
C. -a-bva——-a+b. a a
2 2

D. §a +Z)Vé. a—ZZ).

@ Cau 35. Cho hai vecto @ va b khong cung phuong. Hai vecto nao sau day la cung phuong?

— — < —> ]-—> - — 3—> 7 . > — 3>
A. u=2a +3b Vavzga—Sb. B u:ga+3b Vav:2a—gb.
C. u==-ad+3bvav=2a-9b. D. v=2ad--bvav=——a+-5b.

3 2 3 4

[ Cau 86. Cho tam gidc ABC

. Goi M 1a diém trén canh ABsao choMB =3MA. Khi d6, biéu
dién AM thelo AB va AC la: ) 5
A. m:ZA_B)+3A_C). B. mzzﬁ‘Fzﬁ.
C. AM = 2AB+14C. D. AM = 2AB + 140,

4 6 2 6
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@ Cau 37. Cho tam giac ABC c6 M thudc canh BC sao cho CM =2MB va I 1a trung diém cta

AB. Pang thiic nao sau day ding?
A TM=-12B-1a¢ B. mi-1a8+146. c. mi-1aB+1aé o.mi-lag.lac
6 3 6 3 3 3 3 6

@ Cau 38. Cho tam giac ABC c6 N thudc canh BC sao cho BN = 2NC. Péang thtic nao sau day

dang?
A. AN = §AB+ §AC. B. AN = —§AB+ §AC.
C. AN =1aB_24¢. D. AN = “AB+ 240
3 3 3 3

@ Cau 39. Cho tam giac ABC c¢6 N thudc canh BC sao cho BN =2NC va I 1a trung diém cta
AB. Pang thic nao sau day dung?

A. NI=--AB--AC. B. NI=-AB--AC.
N 26 13 C N 62 310
C. NI=ZAB-ZAC. D. Ni=-ZAB+-AC.

3 3 3 6

@ Cau 40. Cho tam giac ABC c6 trung tuyén AM,goi I 1a trung diém AM. Pang thic nao sau

déydﬁrg;?_)_)_) e
A, 2I;4)+I_B)+I_C):O._) B. I_A)+QB)+I_C):O.
C. 2IA+IB+IC=4IA. D. IB+IC=1A.

Suu tam va bién soan



3. TICH CUA MOT SO VOI VECTO WGV: Doan Thinh

Suu tam va bién soan



4. HE TRUC TOA PO WGV: Doan Thinh

BAI4. HETRUC TOA PO
@ TOM TAT LY THUYET
€ T™RUCTOABO.

DPinh nghia 1. Truc toa do( Truc , hay truc s6) 14 mot duong thang trén dé ta da xac
dinh mot diém O va mét vecto don vi i (tic la ‘7‘ =1).

3

oce

Dbiém O du0c goi 1a gbc toa d6 , vec to 7 dudc goi la vecto don vi caa truc toa do.
Ki hiéu (O; i 1) hay x'Ox hoac ddn gian la Ox.

€ HETRYC TOA DO.

| Y
Pinh nghia 2. Hé truc toa do gom hai truc vuong
goc Ox va Oy vé6i hai vecto don vi lan lust 1a 7, ;.
Diém O goi 1a gbc toa do, Ox goi 1a truc hoanh va
Oy goi la truc tung. )
AN -> - K M
Ki hiéu Oxy hay (O; i,] )
—_0 O >
@] H T

Toa d6 diém, toa do vec to.

+ y7 thi cép sb (x;y) dudc goi 1a toa d6 cua

Trong hé truc toa d6 (0;7,;) néu | %=«

vecto u.

Ki hiéu 12 © = (x;y) hay u(x;y).

x dudc goi la hoanh do, yd dlIOC goi la tung do cua vecto .

Trong hé truc toa do (O; 7 ,J ) toa do caa vecto oM goi 1a toa d6 ctia diém M, ki hiéu la
= (x;y) hay M(x;y). x dudc goi 1a hoanh d9, y dudc goi 1a tung do ctia diém M.

Nhan xét. Goi H,K lan luogt la hinh chiéu ciia M lén Ox va Oy thi
M(x;y)@é—ﬁzx_i)+y7:5—ﬁ+5l—{>

Nhu vay aﬁ:x?,é—f:y;) hay x=0H,y = OK.

Toa d6 trung diém cua doan thang. Toa d6 trong tam tam giac.
(& Cho A(xa;ya), Blxg;yp) va M la trung diém AB.

XA t+XB
XM =
n .0 . 2 2 < 2
Toa d¢ trung diem M (xr; yp) cia doan thang AB la e DT
2
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(&' Cho tam gidc ABC ¢6 A(xa;y4), B(xg;yB), Clxc;yc).

XA +XBtx¢

xg=————
A A . 2 .z N 3

Toa do6 trong tam G(xg;yg) caa tam giac ABC la e DI
3

Tinh chat 1. Bleu thu toa do cua cac phép toan vecto.
Cho @ =(x;y) ; 0 —(x,y)va s6 thuc k. Khi d6 ta 6 :

@ v=ueo o x/
y=y
& W+v=(xxx;y+y"
& k.U =(kx;ky)
!/
- =k
(¢' v’ cung phuong u,(u # 0) khi va chi khi c6 sé £ sao cho {x’ kx
Y =RY

@ Cho A(xa;ya),B(xp;yp) thi AB = (x5 —x4; Y8 — y4).

€) CACDANG TOAN

(O Dang 1. Cac phép toan trén toa dé véc- to

(D) Cdn cit vao dinh nghia toa dé ciia diém, véc-to va cdc cong thiic toa dé clia véc-to
U+v,u-7,kU.

(2 Phén tich ¢ —(cl,cz) theo cac vec-to @ =(a1;a9) va b =(b1;b9).
Buéc 1: Gid st ¢ =ma T+nb.
Buéc 2: Ta c6 ma +nb = (may1+nbi;mag+nbs).

... |leci=mai+nb;
Giai hé .
co =mag +nbg

Vidu 1. Trong mat phéng Oxy, cho @ =(-4;2), b= (5;8). Tinh toa do6 cua cac véc-to

DT+b. @aT-5. 3) 58 +2b. @) -(53 -2b)

Loi giai:

................................................................................................
................................................................................................
................................................................................................

------------------------------------------------------------------------------------------------

» Vi du 2. Trong mit phang Oxy, cho cic véc-to @ = (4;-2),b = (-1;-1), T = (2;5). Hay
phan tich

(@) vée-td b theo hai véc-to @ ava’c.

(2) véc-to @ theo hai véc-to b va <.

(3) véc-to € theo hai véc-to @ va b.

Loi giai:
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(O Dang 2. Tinh toa dd trung diém - trong tém

(& Toa dé trung diém M(xyr;yu) cia doan thang AB la yatyp”

YM=—{7—

_ XA tTXB+XC

- 3

_yAatyBt)yc
3

xXG
(&' Toa do trong tam G(xg;yg) cua tam gidc ABC la

YaG

Vi du 1. Trong mét phang Oxy, cho hai diém A(1;4), B(-2;6). Tim toa do trung diém
cia doan thang AB.

Loi giai:

Vi du 2. Trong mit phang Oxy, cho ba diém A(-1;2), B(1;4), C(-1;-2). Tim toa do
trong tam cua tam giac ABC.

Loi giai:

0 Dang 3. Xdc dinh toa dé clia mét véc-to va mot diém

(& Toa do diém M(x;y): OM=xi+y]

(&' Toa do6 vecto AB =(xg—x4;YB—YA)

(& St dung toa dé hai vecto bang nhau, cdc phép tinh tong, hidu, tich vecto véi mot so,
toa dé trung diém va trong tam tam gidc.

(¢ Phuong phdp chung: ta thuong tim nhin ghé thiic vé vécto lién hé gitta M (hay vécto
@ ) vdi cdc diém (hay vécto) da biét cho phép lap hé phuong trinh ma fhai dn la toa
do6 ctia M (hay vécto a ), ti doé tim dudc toa do ciia M (hay vécto @ ).

Vi du 1. Trong mit phang Oxy, cho hinh binh hanh ABCD. Tim toa d6 diém D biét
A(3;2), B(2;-1), C(-2;-2).

Loi giai:

................................................................................................
................................................................................................
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man

Vi du 2. Trong mat phang toa do6 Oxy, cho B(2;3), C(~1;-2). Tim toa do6 diém M thoéa

@) 2MB +3MC = 0. ) 3CM - 4BM =2BC.

Loi giai:

......................................................................

® 1V LAN

@ Cau 1. Viét toa d6 cua cac vectd sau:
1-> —»
@a—2z+3j b== 5] 0—31 d——

—

3
@ T=i-37:b==1

R
+ji¢=-

l\DIb—‘

..........................

@ Cau 2 Chgﬁ’:(l,—Z_);E):(Oﬁ). T‘Lm toa do ctua cac vectd sau
X=ad+b;y=ad-b;2=2ad-3b

@ Cau 3. Trong méit phang Oxy, cho céc vée-to @ =(3;2), b =(3;-3), ¢ =(5;0). Hay phan tich

(@) véc-to b theo hai vée-to @ d va c.
2) vée-to @ theo hai véc-td b va <.
(3) véc-to T theo hai véc-to @ va b.
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@ Cau4. Cho @=(2:0).5 = (-1;1),?:(4;—6).

2
(1) Tim toa do cta vecto d =23

- —

=3b +50_.>

(2 Tim 2 s6 m,n sao cho: md@' +b -n'¢ = 0
(3) Biéu dién vecto ¢ theo @, b.

@ Cau 5. Cho hai diém A(3;-5),B(1;0).
(1) Tim toa d6 diém C sao cho: OC = —3AB.
(2 Tim diém D d6i xting ctia A qua C.

(3) Tim diém M chia doan AB theo ti s6 & = —3.

@ Cau 6. Trong mat phang Oxy, cho hinh binh hanh ABCD. Tim toa d6 diém D biét

@ A(-1;4), B(2;6), C(1;1).
3 A(=5;0), B(-2;3), C(1;-2).

2) A(0;4), B(-2;0), C(3;1).
@ A(2;1), B(-2;0), C(1;1).

@ Cau 7. Cho ba diém A(-1;1),B(1;3),C(-2;0).

(1) Chiing minh ba diém A,B,C thang hang.

(2) Tim céc ti s6 ma diém A chia doan BC, diém B chia doan AC, diém C chia doan AB.

301
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@ Cau 8. Cho ba diém A(1;-2), B(0;4), C(3;2).
@) Tim toa do cac vects AB,AC,BC.
(2 Tim toa dé trung diém I cua doan AB,
(3) Tim toa d$ diém M sao cho: CM 2AB 3AC.
@ Tim toa db diém N sao cho: AN +2BN -4CN = 0.

@ Cau 9. Cho ba diém A(1;-2), B(2;3), C(-1;-2).
(1) Tim toa do diém D d6i xiing ctia A qua C.
(2 Tim toa d6 diém E 1a dinh thi tu ctia hinh binh hanh c¢6 3 dinh 14 A,B,C.

(3) Tim toa d6 trong tAm G cta tam gidc ABC.

@® TRAC NGHIEM

@ Cau 1. Trong mat phing Oxy, cho A(xa;ya) va B(xg;ys). Toa dd trung diém I cta doan
thang AB la

AT XA —XB YA —)YB B. I XA+XB YA+ YB
.y PR ) .y S )
C. T XA+XB YA+ )YB D. I XA+YA XB+)YB
I e ) (P EE),

@ Ca u 2. 2. Trong mit phang Oxy, cho A (xa;y4) va B(xB,yB) Toa do cua vectd ABla
A. __)—(yA XA;YB—XB)- B. éﬁ—(xA +XB; YA+ YB).
C. AB=(xza~-xB;YA —yB)- D. AB=(xp—xa;yB—yA)-
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@ Cau 3. Trong mat phang Oxy, cho A (x4;ya), B(xz;yg) va C (xc;yc). Toa d6 trong tam G caa

tam giac ABC la
A G(xA—xB+xc.yA+yB+yc) B G(xA"'xB"‘xC.yA"'yB"'yC)
) 3 ’ 3 ' ) 3 ’ 2 ‘
C G(xA+xB+xC_yA+yB+yC) D G(xA+xB+xc,yA+yB+yc)
) 3 ’ 3 ' ) 2 ’ 3 '

@ Cau 4. Cho cac vecto @ = (u1;uz), U = (v1;v2). Piéu kién dé€ vects @ =7 1a
A {”1:”2. B. {”1:‘”1. c. {”1:”1. D. {”1:”2.
U1 =02 Ug =—-02 Uz =02 Uz =01

@ Cau 5. Trong hé truc toa do (0; 7, ), cho véc-td @ théa man @ =37 —4 . Tim toa dd véc-td
a.

A. @ =(3;-4). B. @ =(3;4). C. @ =(-3;-4). D. @ =(—4;3).
(4 Cau 6. Trong hé truc toa do (0; 7,7), cho véc-to T c6 toa do (=1;3). Vit véc-to @ dudi dang
UZXZ' + ;) = N N — > — —

A T=-i+37. B. T=-i+37. C.7=1-37. D. T=--/-37.
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(4 Cau 7. Trong mit phéing toa d6 Oxy, cho hai diém A(-1;2), B(4;-3). Tinh toa d6 véc-to
AB.
A. AB=(3;-1). B. AB = (5;-5). C. AB=(-5;5). D. AB = (-4;6).

(4 @ Cau 8. Trong mat phang toa d6 Oxy cho hai diém A(-1;4) va B(3;-5). Khi d6 toa d6 véc-ta
BA la cép sb6 nao?
A. (2;-1). B. (4;-9). C. (-4,9). D. (4;9).

@ Cau 9. Trorlg mat phang toa d6 Oxy, cho hai véc-to @ = (3;-1) va b= (3;4). Tinh toa do
vée-to c=a +b.

A. ¢ =(3;3). B. ¢=(2;7). C. ¢=(;1). D. ¢ =(6;3).
@ Cau 10. Trong mat phéng toa d6 Oxy, cho véc-to @ = (3;—2). Tinh toa d6 véc-to & =27.
A U= (5 0). B. ¥ =(6;4). C. ©=(3;-2). D. © =(6;-4).

@ Cau 11. Trong mét phang toa d6 Oxy cho bén diém A(3;-2), B(7;1), C(0;1), D(-8;-5). Ménh
dé nao sau day 1a ménh dé dung?
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A. ABvaCD 1a hai véc-to doi. B. Hai véc-to AB va CD ngudc hudng.
C. Hai véc-té AB va CD cung huéng. D. Bén diém A, B, C, D thang hang.

@ Cau 12. Trong mat phéng toa d6 Oxy, cho ba diém A(-1;5), B(5;5), C(-1;11). Ménh dé nao
sau day la ménh de dung?

A. Ba diém A, B, C thang hang.

B. Hai véc-to AB va AC cung hudng.

C. Hai véc-td AB v AC khong cung phuong.

D. Hai véc-to AB va BC cung phuong.

L\Cﬁu 13. Trong mat phang toa do Oxy, ménh dé nao trong cac ménh dé duéi day la ménh
deé dang? .

A. Hai véc-to @'(-5;0) va b =(—4;0) cung phuong.

B. Véc-to ¢ =(7;3) 1a véc-to dbi cia d =(~7;3).

C. Hai véc-t0 @ = (4;2) va b =(8;3) ciing phuong.

D. Hai véc-to @ = (6;3) va b = (2;1) ngude hudng.

@ Cau 14. Trong_mf:tt phang toa d6 Oxy, cho hai véc-to OA =27 - 7 va OB = 57+27. Tinh
toa do ﬂi)a véc-to AB. . . .
A. AB=(3;3). B. AB=(2;-1). C. AB=(7;1). D. AB =(-3;-3).
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@ Cau 15. Trong mét phang toa d6 Oxy, cip véc-to nao dudi day d6i nhau?
A. o= (12)Vab—( 1;-2). .a—(12)Vab—(21)
C. T=(-1;-2)va b =(-1;-2). D. =(1;2)va b =(-2;-1).

@ CAu 16. Trong hé truc toa do (0; 7, 7), cho hai véc-to @ = (2;—-3) vA T =51 — ; . Toa d6 ctia
véce-t0 w = (a;b), biet w =2% —37. Khi d6 a.b bang

A. -57. B. 57. C. -63. D. 63.
(4 Cau 17. Trong mat phang toa d6 Oxy, cho @ =(2;-5) va b =(-4;7). Tinh toa do cua véc-to
a+b.

A. (2;-2). B. (-2;2). C. (6;-12). D. (-6;12).

(4 Cé}u 18. Trong mat phang toa d6 Oxy, cho @ =(2;5) va b = (—4;3). Tinh toa do cua véc-to
a-b.
A. (-2;2). B. (-6;-2). C. (-2;8). D. (6;2).

(4 Cau 19. Trong mat phang toa do Oxy, cho @ =(1;2), b= (3;4). Tinh toa dd ctia véc-to m =
27 +3b.

A. m=(11;14). B. m =(11;6). C. m =(4;6). D. m =(11;16).
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@ Cau 20. Trogg mat phang toa d6 Oxy, cho hai véc-t6 @ = (2;-4), b=(- 5;3). Tinh toa do
véc-to ¥ =2ad - b.
A. ¥ =(7;-7). B. ¥ =(9;-11). C. ©=(9;5). D. ¥ =(-1;5).

@ Cau 21. Trong mit phang toa d6 Oxy, cho @ =(1;2), b =(-2:1), € =(3;-1). Tinh toa do caa
véc-to ¥ =2a+b - C.
A. (-3;6). B. (3;-6). C. (3;6). D. (-3;-6).

@ Cau 22. Trong mat phén_g toa do Oxy, cho ba véc-té @ =(2;1), b =(3;-4), ¢ =(~7:2). Tinh
toa do chia véc-t6 W =3d +2b —47C.
A. ¥ =(4;3). B. ¥ =(16;10). C. ©=(-12;26). D. u =(40;-13).

@ Cau 23. Trong mat phang toa do Oxy, cho ba véc-to @ =(1;1), b = (8;-4) va ¢ =(-5;2). Tim
toa d6 véc-to ¥ saocho ¥ +d = b-2.
A. X =(T;7). B. ¥ =(7;-7). C. ¥=(1;-1). D. ¥ =(9;-5).
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@ Cau 24. Trong mit phing toa dd Oxy, cho @ = (m;m2) va b = (m2—2;4). Hdi m bing bao
nhiéunéu @ = b?
A. m=2. B. m=-2. C. m=-1. D. m=1.

@ Cau 25. Tr(lpg mét phang toa d6 Oxy, cho hai véc-té @ = (1 +1;1) va b= (—-1;u—2). Tinh
A+u,biet @ =b.
A. A +pu=1. B. 1+u=0. C. 1+pu=-1. D. 1 +u=2.

@ Cau 26. Trong mit @ng toa d6 Oxy, cho hai diém A(1;-2), B(2;5). Véi diém M bat ky,
tinh toa do véc-toc MA — MB.
A. (1;7). B. (-1;-7). C. (1;-7). D. (-1;7).

@ Cau 27. Trén truc toa do (O; @), cho diém M sao cho OM = 2% va diém N sao cho MN = —3.
Toa d6 ctia diém N 1a bao nhiéu?
A. 5. B. -1. C. 5. D. 1.
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@ Cau 28. Trong mit phing toa do6 Oxy, cho hai diém A(1;-2) va B(3;4). Tim toa d¢ trung
diém I cta doan thang AB.
A. 1(2;1). B. 1(4;2). C. I1(1;3). D. 1(2;6).

@ Cau 29. Trong mat phang toa d6 Oxy cho hai diém A(0;3) va B(-2;-5). Tim toa d6 trung
diém I cta doan thang AB.
A. I1(-2;-2). B. I(-1;-2). C. I1(1;1). D. I(-1;-1).

@ Cau 30. Trong mat phéng toa d6 Oxy, cho diém M(2;1) va véc-to @ = (-3;1). Tim toa do
diém N sao cho MN =&
A. N(-5;0). B. N(5;0). C. N(-1;2). D. N(1;-2).

@ Cau 31. Trong mit phang toa do6 Oxy, cho hinh binh hanh OABC c6 B(-6;12). Tim toa do
tam I ctia hinh binh hanh OABC.
A. I(-3;6). B. I(-1;4). C. I1(3;-6). D. 1(1;-4).

@ Cau 32. Trong mat phang toa do Oxy, cho tam giac ABC c6 A(1;4), B(—2;2), C(4;0). Tim toa
do véc-to BG véi G la trong tam cua tam giac ABC.
A. (3;0). B. 3;1). C. (-1;4). D. (-3;0).
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@ Cau 33. Trong mat phang toa d6 Oxy, cho A(1;-1), B(3;-5), C(4;-7). Két luan nao sau day
A. AB=-2CB. B. AB=2CB. C. AB=BC. D. AB=-2BC.

@ Cau 34;I‘ror_1)g mat phang toa d6 Oxy, cho @ = (3;-2) va hai diém A(0;-3), B(1;5). Biét
2% +2°% —AB = 0. Tinh toa d6 véc-to x.

A. (—2;6). B. (g;—G). C. (-5;12). D. (5;-12).

@ Cau 35. Trong mit phang tog}dc} Oxy, cho véc-t6 @ = (2m +1;3m —2) va b= (2;1). Tim gia
tri cia m dé @ cung phuong véi b.
5 5 5 3
A. m=-. B. m=—-. . m=——. D. m=-.
m= m=- C.m 3 m=g

@ Cau 36. ’I_‘3°0ng mit phing toa dé Oxy cho véc-to @ = (-5;0), b= (4;m). Tim m sao cho hai
véc-t6 @ va b cung phuong.
A. m=-5. B. m=4. C. m=0. D. m=-1.
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@ Cau 37. Trong mit phing toa dd Oxy, cho hai véc-to @, b khong cung phuong va T =
— 1> . . , N N 2 4o 2 —
-2a + 3 b. Trong cac véc-td sau, véc-td nao cung hudng véi véc-to v?

A. u1:—a+gb. B. us=-24¢a. C. u3:2a—§b. D. us=6a-5b.

) 1 P
@ Cau 38. Trong mat phang toa d6 Oxy, cho A(3;-2), B(-5;4) va 0(5;0). Tim gia tri caa &

théa man AB = EAC.
A. £=3. B. =-3. C. k=2. D. r=-2.

@ Cau 39. Trong mat phang toa d6 Oxy, cho bén diém A(1;-2), B(0;3), C(-3;4), D(-1;8). Ba
diém nao trong bon diém da cho 1a thang hang?
A. A B,CC. B. B,C, D. C. A, B,D. D. A,C,D.

@ Cau 40. Trong mat phang Oxy, cho A(-2;0), B(5;—-4), C(-5;1). Toa d6 diém D dé ti giac
BCAD la hinh binh hanh la:
A. D(-8;-5). B. D(8;5). C. D(-8;5). D. D(8;-5).
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CHUONG 2/ TICH VO HUONG VA UNG DUNG

BAI1.  GIA TRI LUONG GIAC CUA MOT GOC BAT
KY TU 0° DEN 180°
@ TOM TAT LY THUYET

€) DINH NGHIA

Trong mét phang toa do Oxy. Véi mbi géc a(0° < a < 180°), ta v
xac dinh diém M trén trén dudng nita dudng tron don vi tam
O sao cho a = xOM. Gia st diém M c6 toa d6 (x;y).

Khi do: y .

sina = y;cosa =x;tana = ;(a #90°);cota = ;(a #0°, a # 180°).

Cac sb sina,cosa,tana, cot f dudc goi 1a gia tri luong giac cia
goc a.

Nhan xét:
— Goi P,Q 14n lugt 12 hinh chiéu ctia M 1én truc Ox, Oy khi d6 M (o_P;m).
— V6i0°<a<180°taco0<sina<1;-1<cosa<1 .
Tinh chéit:
(¢ Gé6c phu nhau (¢ Go6c bu nhau
sin(90° — a) = cosa sin(180° — a) =sina
cos(90° —a) =sina cos(180° —a) = —cosa
tan(90° — @) = cota tan(180° —a) = —tana
cot(90° —a) =tana cot(180° —a) = —cota

€ GIATRILUONG GIAC CUA CAC GOC DAC BIET.

Goc a | 0° | 30° | 45° | 60° | 90° | 180°
1 2
sina | 0 \% é ? 1 0
cosa | 1 - .| 5 0 -1
tana | O ? 1 | v3 | | 0
cota | | | V3| 1 ? 0 |

H
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€) CAC HE THUC LUONG GIAC CO BAN

R sin
(¢ tana =

74 cota— (a;erOO 180°)
sina
(¢ tana.cota = 1(a # 0°;90°;180°)
(@ sin®a+cos?a=1
3 1+tan2a: 52 (a #90°)

@ 1+cot?a= (a #0°;180°)

SlIl a

€ c6C GITA HAI VECTO.

—

Cho hai vecto @ Va b déu khac 0. Tuf diém O bat ky

dung cac vecto OA=3 vaOB=5.Shdo goc AOB

dudc goi 1a s6 do goc guia hai Vecto Tvab.

@ Quy uéc: Néu @ = 0 _hodc b = 0 thi ta xem goce
gitta hai vects @ va b 1a tiy ¥ (tir 0° dén 180°).

(¢ Ki hiéu: (a,b)

o

€©) CAC DANG TOAN

O Dang 1. Xdc dinh gid tri lwvong gidc cla géc ddc biét

Phwong phap giai:

& St dung dinh nghia gid tri luong gidc ciia mot goc.
& Su dung tinh chdt va bdng gid tri luong gidc ddc biét.
™ S dung cdc hé thiic luong gidc co ban.

Vi du 1. Tinh gia tri c4c biéu thic sau:

(D) A =a?sin90° + b2 c0s90° + ¢ cos 180°. (2) B =3-5in?90° + 2cos?60° — 3tan?45°.

(3 Dang 2. Chirng minh déng thirc lvong gidc

Phuong phap giai:

& S dung cdc hé thiic luong gidc co ban.
& S dung tinh chdt cia gid tri luong gidc.
& S dung cdc hang dang thite ding nhé.

You

Vi du 1. Chitng minh céc dang thic sau (gia st cac biéu thitc sau déu cé nghia)

(D) cos*x—sin*x = cos?x —sin®?x =1 —2sin®x = 2cos?x — 1.

(2 tan?x—sin®x = tan®xsin®x.
1 1
©) + =1.

l1+tanx 1+cotx
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Loi giai:

................................................................................................
................................................................................................
................................................................................................
................................................................................................

................................................................................................

® 1V LUAN

@ Cau 1. Tinh gia tri cac biéu thic sau:
(D) A =a?sin90° + 52 cos90° + ¢2 cos 180°
(2) B =3-5in%90° + 2c0s?60° — 3tan245°
(3) C =sin?45° — 2sin%50° + 3cos?45° — 2sin?40° + 4 tan 55°. tan 35°

@ Cau 2. Tinh gia tri cac biéu thiic sau:
(1) A =sin?3° +sin?15° + sin?75° + sin?87°
(2) B =c0s0°+c0s20° +cos40° + ... + cos 160° + cos 180°
(3) C =tan5°tan10°tan15°...tan80°tan 85°

@ Cau 3. Tinh gia tri cac biéu thic sau:
(1) A =sin45° +2¢0s60° —tan30° + 5cot 120° + 4 sin 135°
2) B =4a%sin%45° - 3(atan45°)? + (2a cos 45°)
(3) C =sin?35° —5sin?73° + cos?35° — 5cos273°
12
@ D= Troe ™ 5tan 85°cot95° + 12sin%104°
+tan
(5) E =sin%1° +sin%2° + ... + sin%89° + sin?90°
(®) F =cos1° +c0s>2° +cos®3° + ... + c0s3179° + cos3180°
@ Cau 4. Chiing minh cac dang thiic sau(gia s cac biéu thic sau déu cé nghia)
(D) sin*x +cos*x = 1 - 2sin®x.cos?x
@ 1+cotx tanx+1

1- cotx‘_ tanx—1
cosx +sinx 3 9
— =tan’x +tan“x+tanx+1

CcoS°Xx
1+sinx
1-sin?x

CcoSXx
®) —— +tanx = .
1+sinx cosx

=1+2tan?x.

(® TRAC NGHIEM
@ Cau 1. Bat déng thic nao duéi day la dung?
A. sin90° <sin100°.  B. c0s95°>c0s100°. C. tan85° <tan125°. D. cos145° > cos125°.

@ Cau 2. Gia tri clia tan45° + cot 135° bang bao nhiéu?
A. 2. B. 0. C. V3. D. 1.
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@ Cau 3. Gia tri ctia cos30° +sin60° bang bao nhiéu?
3 3
A. ‘g B. g C. V3. D. 1.
@ Cau 4. Gia tri ctia E = sin36° cos6°sin126° cos 84° 1a
1 3
A - B 3. C. 1. D. -1
2 2
@ Cau 5. Gia tri ctia biéu thiic A =sin?51° + sin?55° + sin? 39° + sin? 35° 1a
A. 3. B. 4. C. 1 D. 2.
@ Cau 6. Gia tri ctia cos60° +sin30° bang bao nhiéu?
3 3
A B. V3. c. 3 D. 1.
2 3
@ Cau 7. Gia tri cia tan30° + cot 30° bang bao nhiéu?
4 1 3 2
A. B 1tV3 c. —. D. 2.
V3 3 V3
@ Cau 8. Trong cac dang thic sau day, dang thiic nao sai?
A. sin0°+cos0° =1. B. sin90° +c0s90° = 1.
C. sin180° + cos180° = —1. D. sin60° + cos60° = 1.

@ Cau 9. Trong cac khang dinh sau, khang dinh nao sai?
A. c0s60° =sin30°. B. c0s60°=sin120°. C. c0s30°=sin120°. D. sin60° = —cos120°.

@ Cau 10. Pang thitc nao sau day sai?

A. sin45° +sin45° = /2. B. sin30° +cos60° = 1.

C. sin60° + cos 150° = 0. D. sin120° + cos30° = 0.
@ Cau 11. Gia tri caa sin60° + cos 30° bang bao nhiéu?

A. \f B. V3. C. ? D. 1.
@ Cau 12. Gia tri ctia tan30° + cot 30° bang bao nhiéu?

A2 B, LV3 c. . D. 2.

V3 3 V3
@ Cau 13. Trong cic dang thiic sau day, dang thic nao dung?
o_ V3 o_ V3 0 1 0
A. sin150° = ——. B. cos150° = —. C. tan150°=-—.  D. cot150° = V3.
2 2 V3

@ Cau 14. Cho a va g 1a hai géc bu nhau, trong cac déng thic sau day dang thic nao sai?

A. sina =sinp. B. cosa=-cosp. C. tana =—tanp. D. cota =cotp.
@ Cau 15. Trong cac déng thiic sau day, dang thic nao sai?

A. sin(180° — @) = —sina. B. cos(180° — @) = cos a.

C. tan(180° — @) = tana. D. cot(180° — @) = —cota.
@ Cau 16. Trong cac dang thiic sau day, dang thic nao sai?

A. sin0°% +cos0° = 1. B. 5in90° +c0s90° = 1.

0 0_ . a0 o_ V3+1
C. sin180” + cos 180" = 1. D. sin60” + cos60° = g

@ Cau 17. Trong cac khing dinh sau, khang dinh nao sai?
A. sin120° =sin60°.  B. cos60° =sin120°. C. cos30° =sin120°. D. cos60° =sin30°.

@ Cau 18. Cho géc a tu. Pieu khang dinh nao sau day la ding?

A. sina <0. B. cosa >0. C. tana >0. D. cota <O.
@ Cau 19. Pang thic nao sau day sai:

A. sin45% +sin45°% = /2. B. sin30° +cos60° =1.

C. sin60° +cos150° = 0. D. sin120° +cos30° = 0.

316 Suu tam va bién soan



1. GIA TRI LUONG GIAC CUA MOT GOC BAT KY TU 0° PEN 180°  WGV: Doan Thinh

@ Cau 20. Cho hai géc nhon a va f(a < ). Khang dinh nao sau day la sai?

A. cosa <cosp. B. sina <sinf. C. tana+tanp>0. D. cota > cotp.
@ Cau 21. Cho AABCvudng tai A, géc Bbang 30°. Khang dinh nao sau day la sai?
3 1 1
A. cosB:i. B. sinC:£. C. cosC=-. D. sinB =—.
V3 2 2 2
@ Cau 22. Piéu khang dinh nao sau day la ding?
A. sina = -sin(180° - a). B. cosa =—cos(180° — a).
C. tana =tan(180° — a). D. cota = cot(180° — a).

@ Cau 23. Tim khang dinh sai trong ciac khang dinh sau:
A. cos75% > cos500. B. sin80° > sin50°. C. tan45° < tan60°. D. cos30° =sin60°.

@ Cau 24. Ménh dé nao duéi day la ding?
A. 5in90° <sin100°.  B. cos95° > cos100°. C. tan85° <tan125°. D. cos145° > cos125°.
@ Cau 25. Hai géc nhon a va f phu nhau, hé thiic ndo sau day 1a sai?

A. sina = cosp. B. tana = cotp. C. cotp= D. cosa =-sinp.

cota’
@ Cau 26. Trong cac hé thiic sau hé thiic nao ding?

. . a
A. sin®a +cosa?=1. B. sin®a +cos?— =

=1.
2
C. sina?+cosa?=1. D. sin?2a + cos?2a = 1.

@ Cau 27. Cho biét sina +cosa = a. Gia tri cia sina.cosa bang bao nhiéu?

A. sina.cosa =a?. B. sina.cosa =2a.
, 1-a? , a?-11
C. sina.cosa = 5 D. sina.cosa = 5
A « A 2 ) ., . 0 i » t + 3t
@ Cau 28. Cho biét cosa = —=. Tinh gia tri ctia biéu thiic E = ORATORANT 4
19 319 95 2cota+tana
A, ——. B. —. C. —. D. ——.
13 13 13 13
@ Cau 29. Cho biét cota =5. Tinh gia tri ctia E = 2cos®a + 5sinacosa +1 ?
10 100 50 101
A. —. B. —. C. —. D. —.
26 26 26 26
@ Cau 30. Pang thitc nao sau day 1a sai?
A. (cosx +sinx)? + (cosx — sinx)? = 2,Vx. B. tanZx —sin®x = tan2xsin2x, Vax #90°.
C. sin*x + cos*x = 1 - 2sin%xcos2x, Vx. D. sin®x — cosbx = 1 - 3sin?xcosx, V.
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BAI2. TICH VO HUONG CUA HAI VECTO

@ TOM TAT LY THUYET
0 DINH NGHIA

Pinh nghia 1. Tich v6 hudng cta hai véc to @ va b 1a mot s6 thuc dude xac dinh béi:

@5 =|a||B|.cos(@, )

€) CAC TiNH CHAT CUA TICH VO HUGNG

i . A A .
,b,¢ vamoi so thuc % ta ludn cé:

r—l\
o
o)
3
o
(=l
Q
o
O
-
W‘
[Svd
Q|

V

~—

o) oy
n e

sl
L8l
¢ Sloy
Q) Il H
I gi?l
ol o
Sy

Chuy: R . . R
(¢ Neuhaivécto @ va b khac 0 thidlb o a.b =0
@ d.d=a?= |Zz’|2 goi l1a binh phuong v6 huéng ctia véc to o.

@ (T+D) =32123.3+§2.
& (T+b)a-b)=a%-b

€)  BIEUTHUC TOA DO CUA TiCH VO HUONG

Cho hai vects @ = (a1:as) va b = (by:by). Khi d6

s
a-b :a1b1+a2b2

(¢" Do dai vecto o .

(@ Céng thic tinh géc giita 2 vectd @ va b

a.b __ aibi+agby
@1[5]  \fa?+a3\/b%+03

cos(@, b) =

(¢ Khoang cach gitia 2 diém A(x4;y4) va B(xg;yB).

AB= \/(xB —x4)* +(y - y4)

Hé qua:

5)_1_7)) @albl +a2b2 =0
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€) cAcDANG TOAN

O Dang 1. Tinh tich vé6 hudng cua hai véc-to ’

& Dua vao dinh nghia @- b = || ‘3‘ .cos(@, B).

& Su dung tinh chét va cdc hang ding thitc ciia tich v hudng ciia hai vecto.

Vi du 1. Cho hinh vuéng ABCD canh a. Tinh
(1) AB-AD. 2 AB-AC. (3) AB-CD.

Loi giai:

(3 Dang 2. Tinh géc gitra hai véc-to -géc gitra hai dudng thdng

& D6 tinh géc giita hai vecto, ta st dung dinh nghia tich vé hudng két hop cdc ki thudt
tinh tich vé hudng.

& Dé tinh goc gitia hai dudng thang, ta tinh géc gitia hai véc-to cé gid la hai dudng
thang da cho réi suy ra géc giita hai duong thang.

& D6 chiing minh hai duong thang vudng goc, ta chitng minh goc giita hai duong thang
bang 90°.

Vidu 1. Chocdcvécts @=—i +j, b =1 +3,.Tim géc gita hai véc-ts i va ;.

Lai giai:

Vi du 2. Trong mat phang véi hé toa do Oxy, cho diém A(1;3) va B(3;-1). Tinh géc
gitta duong thang OA va AB.

Lai giai:
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() 71U LUAN
@ Cau 1. Cho tam gidc ABC déu canh bing a. Tinh cac tich vo hudng:

@ AB.AC. @ AC.CB. @ AB.BC.

@ Cau 2. Cho tam giac ABC vuong tal A c0AB =a,BC =2a va G la trong tam.

@ Tinh céc tich vo huéng: BA BC BC CA
2 Tinh gi4 tri ctia biéu thdcAB.BC +BC.CA + CA.AB.

@ Cau 3. Cho tam giac ABC c6 A(1;2),B(-2;6),C(9;8).
(1) Tam giac ABC la tam giac gi?
(2) Tinh cosin géc B ctia tam giac ABC.

¢ Cau 4. Cho hai vecto a(0;4); 3(4 -2)

(@ Tinh cosin géc glua hai vectd @ va b.
(2) Xac dinh toa do ctia vects ¢ biét (@ +26).C=-1va(-b +20).@

@ Cau 5. Cho tam giac ABC véi A(3;1), B(-1;-1), C(6;0). Tinh géc A ctia tam gidc ABC.
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@ Cau 6. Biét A(1;-1),B(3;0) 1a hai dinh ctia hinh vuéng ABCD. Tim toa d6 cac dinh C va D.

@ Cau 7. Cho tam giac ABC c6 A(1;2), B(-2;6), C(9;8).
(@ Tinh AB.AC. Chitng minh tam gide ABC vuéng tai A.
(2) Tim tam va ban kinh dudng tron ngoai tiép tam giac ABC.
(3) Tim toa d6 truc tAm H va trong tdm G ctia tam gidc ABC.
(@) Tinh chu vi, dién tich tam giac ABC.
(5 Tim toa d6 diém M trén Oy dé B,M, A thang hang.
(6 Tim toa d6 diém N trén Ox dé tam gidc ANC can tai N.
(D Tim toa do diém D dé ABDC 1a hinh chit nhat.
Tim toa d6 diém T thod TA +2TE-3TC=0.
(9 Tim toa d6 diém E d6i xting véi A qua B.

@® TRAC NGHIEM

@ Cau 1. Trong mp Oxy cho A(4;6), B(1;4), C (7;;). Khzzing dinh nao sau day sai?

A. AB=(-3;-2), AC = (3;—2). B. AB.AC=0.

@

c. [4B|- v D. [5¢]- 2.
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@ Cau 2. Cho @ va b 12 hai vecto cung huéng va déu khac vecto 0. Trong cac két qua sau

day, hay chon két qua dung.
A. @b =|3|.|5]. B

@.b=0. C. 3.6 =-1. D. 3.5 =-|a|.|5)|

@ Cau 3. Cho céc vects @ =(1;-2),b =(-2;-6). Khi d6 goc gitrta chung la
A. 45°, B. 60°. C. 30°. D. 135°.

@ Cau 4. Cho OM =(~2;-1), ON = (3;-1). Tinh géc clia (O_M’,(YV’)

[

A. 135°. B. —g. C. -135°. D.

@ Cau 5. Trong mit phing Oxy cho @ = (1;3), b = (~2;1). Tich v6 huéng ctia 2 vects @- b 1a
1 B. 2. C. 3. D. 4.

@ Cau 6. Cap vecto ) nao sau day vuong goc? R
A. @=(2;-1)va bj (—3;4). B. @ =(3;-4)va é) =(-3;4).
C. @ =(-2;-3) va b =(-6;4). D. @ =(7;-3) va b =(3;-7).
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@ CAu7. Cho 2 vec td @ =(aj;as), b = (by;bs), tim bleu thtc sai.
A. @5 —arby+asbs. B. @.b=|al|.|b|.cos(a,5).
o= 1= =3 - 2 o= 1 2 2 =2
C. a.b== a2+b2—(a+b)]. D. a.b == (a+b) —a2—b2].
2 2
@ Cau 8. Cho tam giac déu ABC canh a = 2. Hbi ménh dé nao sau day sai?
A. (AB.AC)BC =2BC. B. BC.CA=-
C. (4B +BC) 4G =4 D. (B0~ 4C) BA=2.
@ Cau 9. Cho tam gidc ABC can tai A, A =120°va AB =qa. Tinh BA.CA
2 2 2 2
A 2 B. -2 c. L3 D, -LV3
2 2 2 2
@ Cau 10 Cho ABC la tam giac déu. Ménh dé nao sau sau day dung?
A. B. AB.AC=ACAB.
C. (AB AC)BC AB(AC.BC). D. AB.AC =BA.BC.
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@ Cau 11. Cho tam gidc ABC c6 A(1;2), B(-1;1), C(5;-1).Tinh cosA
2 -1 1 —2
A, —. B. —. C. —. D. —.
VB V5 V5 V5

@ Cau 12. Cho hinh vuéng ABCD tam O. Héi ménh dé nao sau day sai?
_— —> _— —> 1 _— ——>
A. OA.OB=0. B. OA.OC =-0A.AC.
C. ABAC=AB.CD. D. ABAC=AC.AD.

@ Cau 13. Trong méit phang Oxy cho A(-1;-1), B(3;1), C(6;0). Khang dinh nao sau day
duang.
A AB = (-4;-2), AC=(1;7). B. B=135°.
C. ‘AB(_zo. D. ‘B_C":

@ Cau 14. Cho hinh vuéng ABCD canh a. Héi ménh d de nao sau day sai?

A. DACB=d> B. AB.CD = -a?
C. (AB +B ).Ac:a2. D. AB.AD +CB.CD =o0.

@ Cau 15. Cho hinh thang vuéng ABCD c6 day 1én AB = 4a, day nhé CD = 2a, dudng cao
AD =3a; I 12 trung diém ctia AD. Cau nao sau day sai?
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A. AB.DC =8a2. B. AD.CD =0. C. ADAB=0. D. DA.DB=0.

@ Cau 16. Cho hinh thang vuéng ABCDc6 day 1én AB = 4a, day nhé CD = 2a, dudng cao
AD = 3a; I 1a trung diém ctia AD. Khi d6 (IA + IB) ID bing :
9a? 9a?

A, /. B. - —/—. C. o. D. 942.
2 2

@ Cau 17. Cho tam giac déu ABC canh a, v6i cac duong cao AH, BK vé HILAC. Cau nao sau
déy dang?
A. (AB+AC).BC=d?

[\

a

3 g
3 g

8

— ——> 2

C. AB.AC:a— e
2 2

eC u 18. C Cho hinh vuéng ABCD canh a. Ménh dé nao sau day sai?

_A AB.AD =0. B. ABAC=a%
C. AB.CD =a2. D. (AB+CD +BC).AD:a2.

@ Cau 19. Tam gidc ABC vudng 6 A va c6 géc B = 50°. Hé thiic nao sau day 1a sai?
A. (AB,BC)=130°. B. (BC,AC)=40°.  C. (AB,CE)=50°.  D. (AC,CE)=120".

(325] Suu tam va bién soan



2. TICH VO HUONG CUA HAI VECTO WGV: Doan Thinh

@ Cau 20. Trong mit phang (0; i
sau day sai?

A. 3.5 =0. B. @Lb. C. [2].|5|=o. D. |2.5|=0.

- e - N
,J)cho2vectd:a:3z+6jVab:8z—4J.Ket1uannao

@ Cau 21. Trong mat phang Oxy cho A (1;2), B(4;1), C(5;4). Tinh BAC ?
A. 60°. B. 45°. C. 90°. D. 120°.

@ Cau 22. Cho cac vectd @ =(1;-3), b= (2;5). Tinh tich vo6 hudng ctua E’(E’+23).
A. 16. B. 26. C. 36. D. -16.

@ Cau 23. Cho hinh vuéng ABCD, tinh cos (KE,EZ{).

A. B. —1. C. g

1
2 2

ol
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@ Cau 24. Cho hai diém A (-3,2),B(4,3). Tim diém M thudc truc Oxva c6 hoanh d6 duong dé
tam giac MAB vuong tai M.
A. M(7;0). B. M(5;0). C. M(3;0). D. M(9;0).

@ Cau 25. ChoA (2; 5), B(1;3), C(5;—1). Tim toa d¢ diém K sao cho AK = 3BC + 2CK.
A. K(-4;5). B. K(-4;5). C. K(4;-5). D. K(-4;-5).

@ Cau 26. Cho tam gidc ABC vudng can tai A c¢6 BC = av2. Tinh CA.CB

—— > —— > ——> > 2 —— >
A. CA.CB=d2. B. CACB=aq. C. CACB= % D. CA.CB=a/2.
@ Cau 27. Cho hinh vuéng ABCD c6 canh a. Tinh AB.AD
2
A. 0. B. a. C. % D. o2

@ Cau 28. Trong mat phang Oxy, cho @ = (2;-1) va b = (-3;4). Khang dinh nao sau day la
sai?

A. Tich v6 huéng ctia hai vecto da cho la —10.

B. D6 16n ctia vecto @ la /5.

C. D06 16n cua vecto b 1a5.

D. Goéc gitrta hai vecto la 90°.
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@ Ca au 29. Cho M la trung diém AB, tim biéu thic sai,
A. MA AB— -MA.AB. B. MA MB— -MA.MB.
C. AM.AB =AM .AB. D. MA.MB =MA.MB.

@ Cau 30. Cho tam giac déu ABC canh bang a va H 1a trung diém BC. Tinh AH.CA.

A 32 B, =3¢ c. 3% p, =3¢
4 4 2 2
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BAI3. CAC HE THUC LUONG TRONG TAM GIAC VA
GIAI TAM GIAC

@ TOM TAT LY THUYET

€) DINH LI COSIN

Trong tam giac ABC v6i BC =a,AC =bva AB =c. Ta cé:

a?=b%+c%-2bc.cosA
b2 =c?+a?-2ca.cosB

c2=a?+b%-2ab.cosC

Hé qua 1.
b2+ c2— g2
COSA = c-a
2bc
2,2 12
+ p—
cosB = i
2ca
2,72 2
+ —
cosC = il
2ab

€ DINHLISIN

Trong tam giac ABC véi BC =a,AC = b, AB = ¢ va R 1a ban kinh duong tron ngoai tiép.
Ta co:

a b c

= = :2R
sinA sinB sinC

€) O DAITRUNG TUYEN

Cho tam giac ABC v6i mq,mp, m. 1an ludt 1a cac trung tuyén ké tit A, B, C. Ta c6:

s 2b%2+c%)-a?

i, e ———————
4

s 2@®+c?)-b?

m, =-———
b 4

o 2(a?+b%)-c?

Mme=——71

€) DIENTICHTAM GIAC

V6i tam giac ABC ta ki hiéu:
(& hg,hp,he 1a d0 dai duong cao lan ludt tusng ting véi cac canh BC, CA, AB.
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@ R, r 1an lugt 14 ban kinh dudng tron ngoai tiép, noi tiép tam giac.
R atb+c . , . .

& p= la nita chu vi tam giéc.

(¢' S la dién tich tam giac.

Khi do ta co:

1 1 1
@ S = Eaha = Ebhb = EChc

1 1 1
2 S= EbcsinA = §casinB = Eab sinC

abe
@ s=r

@ S=pr
® S=+/p(p-a)p->b)p--c) (cong thicc Hé-rong)

€) CAC DANG TOAN

[ Dang 1. xdc dinh céc yéu té trong tam gidc.

(D St dung dinh li cosin va dinh i sin.
(2) St dung céng thiic xdc dinh dé dai duong trung tuyén va moi lién hé clia cdc yéu
to trong cdc cong thic tinh dién tich trong tam gidc.

Vidu 1. Cho tam giac ABC ¢6 AC =10, AB=16 va C =120°. Tinh canh AB, cac géc
con lai, dién tich ctia tam giac do.

Loi giai:

................................................................................................
................................................................................................

................................................................................................

Vi du 2. Cho tam giac ABC c¢6 B =20°, C =31° va b = 210. Tinh géc A, cic canh con
lai, dién tich, ban kinh duong tron ngoai tiép caa tam giac do.

Loi giai:

................................................................................................
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ih Vi du 3. Cho tam gidc ABC c¢6 AC =8, AB =5 va BC = 7. Tinh céc géc, do dai cac
du0ng trung tuyén, dién tich, ban kinh dudng tron noi tiép va ngoai tiép cta tam giac
do.

Loi giai:

................................................................................................
................................................................................................

................................................................................................

® 1V LAN

@ Cau 1. Giai tam giac va tinh dién tich ABC , biét:

1) ¢=14; A =60°; B = 40°. (®) A=60°, B=40°; c = 14.
) b=4,5; A=30°C =175°. ®) b=4,5; A=30°C =175°.
3) ¢=35; A =40° C =120°. (@) a=109; B=33°24"; C =66°59.
@) a=137,5; B=83° C =57°. a=12; B=35° C =65°.

@ Cau 2. Giai tam giac va tinh dién tich ABC, biét:

@ a=6,3;b=6,3;C =54°. ®) b=232;c=45va A =87°.
2 b=32;c=45;A =87°. @b:14;c:10;A:1450.

3) a=7;b=23;C =130°. @ a=12;¢=82va A =110°.
@ b=14;c=10;A = 145°. ®) a=20;b=13;A=67°23".
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@ Cau 3. Giai tam giac va tinh dién tich ABC, biét:
@ a=14;b=18;c =20. @ a=2V3;b=2v2;c=v6-2.
2 a=6;b="1,3;c=4,8. (5) a=2,b=3,c=4.
3 a=4;b=5;c="1. (6) a=14;b=18;c =20.

@ Cau 4. Cho tam giac ABC biét a = 2v/3,b =2v2,¢ = v6-v2. Tinh géc 16n nhat ctia tam giac.

n . R 5 . L1 R N A s
@ Cau 5. Cho AABCtacéa=13,b=4vacosC = I3 Tinh ban kinh dudng tron ngoai tiep va

ndi tiep tam giac.

@ Cau 6. Cho tam giac ABC noi tiép dudng tron ban kinh bing 3, biét A = 30°, B = 45°. Tinh
do dai trung tuyén ké tu A va ban kinh duong tron noi tiép tam giac.
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@ Cau 7. Cho tam giac ABC vuéng tai A, B =58° va a = 72. Tinh géc C, canh b, ¢, dudng cao
ha, hp va do dai cac duong trung tuyeén caa tam giac ABC.

@ Cau 8.

Gia stt CD = h 1a chiéu cao cta thap trong d6 C la chan thap.
Chon hai diém A, B trén mit dat sao cho ba diém A, B va C
thdng hang. Ta do dudc AB=24m , CAD =a=63°, CBD =8 =

48°. Tinh chiéu cao & ctia thap.

@® TRAC NGHIEM

@ Cau 1. Cho AABC ¢6 b=6,c=8,A =60°. P dai canh a 1
A. 2V/13. B. 3v12. C. 2V37. D. v20.

@ Cau 2. Cho AABC ¢6 S =84, a =13, b = 14, ¢ = 15. D6 dai ban kinh dudng tron ngoai tiép R

cua tam giac trén la
A. 8,125. B. 130. C. s. D. 8,5.
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@ Cau 3. Cho AABC c6 a =6,b =8,c =10. Dién tich S ctia tam giac trén 1a
A. 48. B. 24. C. 12. D. 30.

@ Cau 4. Cho AABC théa méan: 2cosB = v2. Khi d6:
A. B=30°. B. B=60°. C. B =45°. D. B=175°.

@ Cau 5. Cho AABC vuéng tai B va c¢6 C = 25°. Sb do ctia géc A 1a

A. A=65°. B. A=60°. C. A=155° D. A=75°
@ Cau 6. Cho AABC ¢6 B=60°,a =8,c =5. Do dai canh b bang
A. 7 B. 129. C. 49. D. v129.

Cau 7. Cho AABC ¢6 C =45°,B =75°. S6 do ctia géc A 1a
A. A:65° B. A=70°. C. A=60°. D. A=175°
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@ Cau 8. Cho AABC c¢6 S = 10v/3, ntta chu vi p = 10. D6 dai ban kinh duong tron noi tiép r
cua tam giac trén la
A. 3. B. 2. C. V2. D. V3.

@ Cau 9. Cho AABC c6 a =4,c =5,B=150°. Dién tich ctia tam giic 1a
A. 5V3. B. 5. C. 10. D. 10v3.

@ Cau 10. Cho tam gidc ABC thdéa man: 2cosA = 1. Khi d6
A. A =30°. B. A =45° C. A=120°. D. A =60°.

@ Cau 11. Cho tam gidc ABC c6b=17,c=5, cosA = 5 Puong cao h, cia tam giac ABC la

A. 72£ B. 8. C. 8V3. D. 80v/3.

@ Cau 12. Cho tam gidc ABC, chon cong thiic dung trong cac dap an sau:

b2+c2 o2 a?+c?2 b2
A. m? = +—. B. m2=
2 4

2 4’
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2, 1.2 2 2 2 2
a‘“+b c 2¢%+2b°—a
= -—. D.m2=" T —

C. m; 2 1 - 1

@ Cau 13. Cho tam gidc ABC. Tim cong thiic sai.

A. .a =2R. B. sinA = —. C. bsinB =2R. D. sinC =
sinA 2R

csinA

@ Cau 14. Chon cong thic diung trong cac dap 4n sau.
A. S= %bcsinA. B. S= %acsinA. C. S= %bcsinB. D. S= %bcsinB.

@ Cau 15. Cho tam giac ABC ¢6 a = 8,b = 10, géc C bang 60°. P dai canh ¢ 1a
A. ¢=3V21. B. ¢c=7V2. C. c=2V11. D. ¢c=2V21.

@ Cau 16. Cho tam giac ABC. Khing dinh nao sau day 1a ding?

1 a
A. S =—a.b.c. B. =R.
e 22a zc 2 sinA 2 2 2
b%+c”— 2b% +2a“ —
C. cosB=-—S "% D. m2="""2 "%
2bc 4
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@ Cau 17. Cho tam gidc ABC, chon cong thiic dung?
A. AB2=AC?+BC?-2AC.ABcosC. B. AB2=AC?2-BC?2+2AC.BCcosC.
C. AB2=AC2+BC?-2AC.BCcosC. D. AB2=AC2+BC%2-2AC.BC +cosC.

@ Cau 18. Cho tam gidc ABC thoa man hé thic b + ¢ = 2a. Trong cac ménh dé sau, ménh dé
nao dung?

A. cosB+cosC = %cosA. B. sinB +sinC =2sinA.

C. sinB+sinC = 3 sinA. D. sinB +cosC =2sinA.

@ Cau 19. Cho tam gidc ABC. Pang thiic nao sai?

B A

A. sin(A +B—2C) = sin3C. B. cos—;C =sin’.
A+B+2

C. sin(A +B)=sinC. D. cos%w:sin%.

@ Cau 20. Goi S =m2+m?2+m?1a téng binh phusng d6 dai ba trung tuyén cta tam gidc ABC.
Trong cac ménh dé sau ménh dé nao ding?

A. S:Z(a2+b2+cz). B. S=aZ2+b2+c2 C. S:;(a2+b2+cz). D. S =3(a?+b2+c?).
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@ Cau 21. Do dai trung tuyén m. tng véi canh ¢ cia AABC bang biéu thiic nao sau day?

A Pra @ B. |2 re, ¢
2 4 2 4
1 b2 +q2 -2
e 2 2)_ .2
C. 2\/(219 +2a?) —c2. D. 1

@ Cau 22. Tam giidc ABC c6 cosB bang biéu thiic nao sau day?

2., 2_ 2 2., 2_12
A. u. B. V1-sin’B. C. cos(A+0). D. u.
2bc 2ac
@ Cau 23. Cho tam gidac ABC c6 a®+b?—¢2>0. Khi 6
A. Goc C>90°. B. Goc C <90°.
C. Géc C =90°. D. Khong thé két luan dudc gi vé géc C.

@ Cau 24. Mot tam gidc ¢6 ba canh 1a 13,14,15. Dién tich tam gidc bang bao nhiéu?
A. 84. B. v84. C. 42. D. V168.

@ Cau 25. Mot tam giac cé ba canh 1a 26,28,30. Ban kinh dudng tron néi tiép la
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A. 16. B. 8. C. 4. D. 4v2.
@ Cau 26. Mot tam giac c6 ba canh 1a 52,56,60. Ban kinh dudng tron ngoai tiép 1a
65
A. 65 B. 40. C. 32,5. D. —.

8’ 4

@ Cau 27. Tam giac v6i ba canh 1a 3,4,5. Cé ban kinh dudng tron ndi tiép tam gidc d6 bang
bao nhiéu?
A 1 B. V2. C. V3. D. 2.

@ Cau 28. Tam giac ABC c6 a =6,b =4v2,c =2, M 1a diém trén canh BC sao cho BM =3. Do
dai doan AM bang bao nhiéu?

A. V9. B. 9. C. 3. D. %\/108.

@ Cau 29. Cho céc diém A(1;-2),B(-2;3),C(0;4). Dién tich AABC bang bao nhiéu?

— B. 13. C. 26. p. 13,
2 4

Suu tam va bién soan



3. CAC HE THUC LUONG TRONG TAM GIAC VA GIAI TAM GIAC WGV: Doan Thinh

@ Cau 30. Cho tam gidc ABC c6 A(1;-1),B(3;-3),C(6;0). Dién tich AABC 1a
A. 12. B. 6. C. 6v2. D. 9.

@ Cau 31. Cho cac diém A(1;1),B(2;4),C(10;-2). Géc BAC bang bao nhiéu?
A. 90°. B. 60°. C. 45°. D. 30°.

@ Cau 32. Tam giac véi ba canh 1a 5;12;13 c¢6 ban kinh dudng tron ngoai tiép 1a?

A. 6. B. s. c. 13 p. 1.
2 2

@ Cau 33. Cho tam gidc ABC c6 a =4,b =6,c =8. Khi d6 dién tich ctia tam giac 1a
2
A. 9v15. B. 3v15. C. 105. D. 5\/ 15.

@ Cau 34. Tam giac véi ba canh 1a 5;12;13 ¢6 ban kinh dudng tron néi tiép tam giac d6 bang
bao nhiéu?
A. 2. B. 2V2. C. 2v3. D. 3.
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@ Cau 35. Tam giac véi ba canh 1a 6;8;10 ¢6 ban kinh dudng tron ngoai tiép bang bao

nhiéu?
A. 5. B. 4/2. C. 5v2. D. 6.
@ Cau 36. Cho tam giac ABC thoa man: b2 +¢2—a? = v/3bc. Khi d6
A. A=30°. B. A =45°. C. A =60°. D. A =175

@ Cau 37. Cho tam giac ABC, biét a = 24,b = 13,c = 15. Tinh géc A.

A. 33°34'. B. 117°49'. C. 28°37. D. 58°24'.
@ Cau 38. Tam gidc ABC c6 A =68°12', B = 34°44', AB=117. Tinh AC.
A. 68. B. 168. C. 118. D. 200.
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@ Cau 39. Khoang cach tit A dén B khong thé do truc tiép dudc vi phai qua mét dam lay.
Nguoi ta xac dinh dude mot diém C ma tit d6 ¢6 thé nhin dude A va B dudi mot goc 78°24’. Biét
CA =250m, CB = 120m. Khoang cach AB bang bao nhiéu?

A. 266m. B. 255m. C. 166m. D. 298m.

@ Cau 40. Tu mot dinh thap chiéu cao CD = 80m, ngudi ta nhin hai diém A va B trén mat dat
dudi cac géc nhin 1a 72°12' va 34°26'. Ba diém A,B,D thang hang. Tinh khoang cach AB?
A. 71m. B. 91m. C. 79m. D. 40m.
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CHUONG 3/ PHUONG PHAP TOA DO TRONG MAT

PHANG

BAl1. PHUONG TRINH DUONG THANG

@ TOM TAT LY THUYET
4€) VECTO CHI PHUONG CUA BUGNG THANG

Pinh nghia 1. Cho dudng thang A. Vecto # # 0 goi la vecto chi phuong (VTCP) caa
duong thang A néu gia ctia n6 song song hoac trung véi A.

E Nhan xét : Néu % 1a VTCP ctia A thi k% (% #0) ciing 1a VTCP clia A. %

Q PHUONG TRINH THAM 56 CUA BUONG THANG.

Cho duong thang A di qua Mo(xo; o) va @ = (a;b) 12 VTCP c¢6 phuong trinh tham s6 1a

x=x0+at
A teR
y=yo+bt

€) PHUONG TRINH CHINH TAC CUA BUONG THANG

Cho dudng thang A dj qua My(xo;yo) va © = (a;b) (v6i a # 0,b # 0) 1a vectd chi phuong thi
phuong trinh chinh tac

X —x -
A- 0:3’ Yo
a b

€) VECTO PHAP TUYEN CUA BUONG THANG

Pinh nghia 2. Cho dudng thang A. Vecto 7 # 0 goi 1a vecto phap tuyén (VTPT) cta A
neu gia cua n vudng goc voi A.

Nhan xét :

(¢ Néu 7 1a VTPT cta A thi k7% (k #0) ciing 1a VTPT cta A.

(¢ VTPT va VTCP vudng géc véi nhau. Do vay néu A c¢6 VICP @ = (a;b) thi 7 =
(=b;a) la mot VITPT cuaa A.

€©) PHUONG TRINH TONG QUAT CUA BUONG THANG.

Cho dudng thang A di qua Mo(xo; o) va ¢6 VTPT 7 = (a;b) c6 phuong trinh téng quat 1a

Aalx—x9)+b(y—y9) =0 ax+by+c=0 (c=—axy—byp)
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I E Chu y: Néu duong thing A:ax+by+c=0thi 7 =(a;b) 1a VTPT cta A. J

€©) CAC DANG DAC BIET CUA PHUONG TRINH TONG QUAT

(&' A song song hodc trung véi truc Ox < A:by+c=0.

(¢ A song song hodc trung véi truc Oy < A:ax+c=0.

(£ A di qua gbc toa dd © A:ax+by=0.

@ A di qua hai diém A (a;0),B(0;b) & A g +% — 1 v6i (ab #0).

(¢ Phuong trinh dudng théng c6 hé sb géc k 14 y = kx+m véi k = tana, a 1 géc hop béi
tia Mt cha A 6 phia trén truc Ox va tia Mx.

0 V| TRI TUONG DSI CUA HAI BPUONG THANG

Cho hai dudng thang d1 :a1x+b1y+c1=0; do:asx+bay+ce=0.
@ Néu % o % thi hai duong thang cat nhau.

1 bo
¢ Néu % =22 4 %1 thi hai dudng thing song song nhau.
1 ba co
@ Néu 22 =22 _ % thj hai duong thang trung nhau.
b1 ba c9

€© GOC GITA HAI DUONG THANG

(¢ Hai duong thang A;,As cat nhau tao thanh 4 géc. Néu A1,As khong vudng géc véi nhau
thi géc nhon trong s6 bon géc d6 dude goi 1a géc gitta hai duong thang A; va As.

C’;‘ Ki hléu (Al,AQ).

(€ Néu A;LAg thi (Ag,Az) = 90°.

(¢ Néu A1,A, song song hay trung nhau thi (A;,Ag) = 0°.

Cong thuc tinh goc.

Cho hai duong théng A1,As 1an ludt c6 vects phap tuyén 1a n7 = (a1;b1) va ns = (a9;ba).

Dit ¢ = (A1,Ay) thi

s _ |ning
cosg = |cos (n1,n3)| = 5=
|21 1]
hay
_ la1aa+b1bg|
cos @ =
\/a%+b%\/a%+b§

Chu y: C6 thé s dung vecto chi phuong caa hai dudng thang thay cho vects phap
tuyen trong cong thuc trén.

€ KHOANG CACH Tl MOT BIEM BEN DUGNG THANG
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Cho diém M (xo;yo) va duong thang A: Ax+By+C =0.

|Ax0+By0+C| -

M= T

0

E Dic biét: d(M,0x) = |yol,d (M,09) = Ixo|. o

@ KHOANG CACH GIA HAI BUONG THANG.

@ Néu A;nA; hodc A; = Ay thi d(A1,A9)=0.
(¢ Neéu Aq || Ao thi d(Al,Ag) = d(M,Az) v6i M bat ki thu@c Aq.

. |Ar:ax+by+c1=0 —
@ Dic biét: Néu | YAV d(ag A = 12202
) ’ Ag:ax+by+ceg=0 VaZib?

0 CAC DANG TOAN

(3 Dang 1. Viét phuong trinh tham sé ctia dudng théng
(D) Xdc dinh My(xg;yo) va VICP ¥ = (a;b).
(2) Viét phuong trinh tham sé la
{x =x0+at
A teR
y=yo+bt
Vi du 1. Lap phuong trinh tham s6 dudng thang A, biét A di qua diém A (-1;3) va c6
vecto chi phuong @ = (4;1).

Loi giai:

................................................................................................

Vi du 2. Lap phuong trinh tham sb ctia duong thang A, biét A di qua diém A (-2;1)
va B(5;-3).

Loi giai:

................................................................................................

................................................................................................
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Vi du 3. Lap phuong trinh tham sb ctia duong thang A, biét A di qua diém A (1;1) va
c6 hé so goc k& = -2.

Loi giai:

................................................................................................

................................................................................................

(3 Dang 2. Viét phuong trinh tdng quét ctia dudng théng

(1) Xdc dinh My(x;yo) va VTPT 7 = (a;b).
(2) Viét phuong trinh tham sé la

AN:alx—x0)+b(y—y9)=0ax+by+c=0 (c=—-axy—byy)

Vi du 1. Trong mat phang Oxy, viét phuong trinh tong quat dudng thang A di qua
diém M(-1;5) va c6 véc-to phap tuyén 7 = (-2;3).

Loi giai:

................................................................................................

................................................................................................

Vi du 2. Trong mit phang Oxy, viét phuong trinh téng quat duong thang A di qua
diém N(2;3) va vudng géc véi duong thang AB véi A(1;3), B(2;1).

Loi giai:

................................................................................................

You

Vi du 3. Trong mat phéng Oxy, viét phuong trinh téng quat duong théng A di qua
diém A(1;2) va vudng géc véi duong thang d : 2x—y +4 =0.

Loi giai:
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(3 Dang 3. Vi tri twong déi va géc gilra hai dudng théng ‘
& Néu Z—i # a_z thi hai duong thang cat nhau.

& Néu a—i = a_z 7 z—; thi hai duong thing song song nhau.

& Néu a—i = a_z = Z—; thi hai duong thang trung nhau.

Vi du 1. Cho céc dudng thdng A:2x+3y—5=0, A’ :3x—2y—1=0. Xét vi tri tuong dbi
gitta cac duong thang A va A’.

Lai giai:

i Vi du 2. Cho cac duong thang A:(m+3)x+3y—-2m+3=0, A': 2x+2y+2—3m = 0.Tim
gia tri ca tham s6 m dé

(1) Pudng thang A song song véi A

(2) Puong thing A cat A’.

N, * 2 e
Ol g1ai:
.
................................................................................................

[ Dang 4. Khodng céch tir mét diém dén mét dudng théng ‘
|A.’)C0 +By0 + C|
d(M,A) = =0
A2+ B2

Vi du 1. Tim khoang céch tit diém M dén duong thang A biét

D M1;2) vaA:4x+3y—-2=0. @) M(0;5) va A:x—4y+5=0.

N, * 2 e
C1 glai:
.
................................................................................................

................................................................................................

347 Suu tam va bién soan



1. PHUONG TRINH PUONG THANG WGV: Doan Thinh

(D Dang 5. Géc gilra hai dudng théng ’

—>
ni.

—>
1-n2

U

cos¢ = |cos (n1,n3)| =

Vi du 1. X4ac dinh géc gitta hai duong thang sau

y=T-5¢t

x=t x=1-t x=2-4t
®A1:3x—3y+1:0VéA2:{ @Alz{ VéAzz{

................................................................................................
................................................................................................

® 1V LUAN

@ Cau 1. Lap PTTS, PTTQ, PTCT (néu c6) ctia cac dudng thang di qua diém M va c¢6 VICP

.
@) M(-2;3), @ =(5;-1). @ M(-2;2), @ =(5;0). @ M(-3;4), U =(-2;-2).
2 M(2;3), © =(2;3). (5) M(1;3), @ =(0;3). M(2;1), @ =(1;2).
3) M(-4;1), ¥ =(1;-1). 6) M(-2;5), W =(-3;-1). @) M(-3;0), @ =(5;3).

@ Cau 2. Lap PTTQ, PTTS, PTCT (néu cé) cia cac duong thang di qua diém M va c¢6 VIPT
.

@) M(-2;3), @ =(5;-1). @ M(-2;2), 7 =(5;0). @ M(-3;4), 7 =(-2;-2).
2 M(2;3), @ =(2;3). (5) M(1;3), @ =(0;3). M(2;1), 7@ =(1;2).
(3) M(-4;1), W =(1;-1). (6) M(-2;5), W =(-3;-1). @) M(-3;0), 7@ =(5;3).
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@ Cau 3. Lap PTTS, PTTQ, PTCT (néu c6) cia cac duong thang di qua diém M va c6 hé sb

goc k.
Q) M(-2;3), k= -2. @ M(-2;2), k=3. @ M(-3;4), k=5.
(2 M(2;3),k=3. B M(1;3),k=1. M(2;1), k=-3.
3) M(-4;1), k =1. (6) M(-2;5), k=0. (9 M(-3;0), k =-5.

@ Cau 4. Lap PTTS, PTTQ, PTCT (néu c6) ctia cac duong thang di qua hai diém A va B.

@) A(-2;3), B(1;1). (@) A(-4;3), B(5;1). @ A2;5), B(2;1).
2) A(1;2), B(3;4). (5) A(-3;-3), B(1;5). A(-6;-1), B(-1;-1).
(3) A(-3;-1), B(5;2). (6) A(4;0), B(0;1). (9) A(-3;-3), B(4;5).

@ Cau 5. Lap PTTS, PTTQ, PTCT (néu cé) ca cac dudng thang di qua diém A va song song
v6i duong thang A.

_ 9. . _ — —Q. _ A — — = :_2_t
@81( 2:3), A:4x—10y+1 @g&( 3;-3), A:—x—y—17 A(—6;—1),A:{x -
. . y=-

@ A(1;2), A:x-2y+3=0. x=1-2¢ _
y4)y A(4:0). A: . x=1+¢
3 A(-3;-1), A:3x+2y—-2= © 440, y=3+4t ©) A(—3;—3),A:{ 149
0. x=2+3t Y
@ A(-4;3), A:2x+y+5=0. (@D A2;5),A: y= 34t

@ Cau 6. Lap PTTS, PTTQ, PTCT (néu cé) cia cac dudng thang di qua diém A va vudng géc
v6i duong thang A.

Suu tam va bién soan



1. PHUONG TRINH PUONG THANG WGV: Doan Thinh

—_—9. . — — —_— R __ [ J— p— j— = :_z_t
@gx( 2;3), A:dx—10y+1 @gx( 3;-3), At —x—y—T A(_&_l),A:{;__“t.
2 A(1;2),A:x—2y+3=0. x=1-2¢ _

»4), A(4:0). A: . x=1+¢
3 A(=3;-1), A:3x+2y-2= © 440, y=3+4t C) A(—3;—3),A:{y:1+2t-

0 x=2+3t

4 . _ A(2;5), A .
@ A(-4;3), A:2x+y+5=0. (@D AZ5) {y:_3+t

@ Cau 7. Cho tam giac ABC. Viét phuong trinh céc canh, cac dudng trung tuyén, ciac dusng
cao ciia tam giac véi:

@ A(2;0),B(2;-3),C(0;-1). 3 AG1;-1),B(1;9),C(9; D). () A(0;-1),B(1;3),C(3;4).
2 A(1;4),B(3;-1),C(6;2). @ A(4;-1),B(-3;2),C(1;6). (®) A(-4;0),B(0;5),C(4;2).

@ Cau 8. Cho tam giac ABC biét A(2;0), B(0;4), C(1;3). Viét phuong trinh tong quat cia
(1) DPudng cao AH.
(2) Pudng trung truc ciia doan thang BC.
(3) Puong thang AB.
(@ Puong thang qua C va song song véi dudng thing AB.

@ Cau 9. Xét vi tri tuong d6i va tim giao diém néu c6 ctaa cap dusng thang:

Jx=-1-5¢t . ., [x=-6+5t
®d'{y:2+4t Vad'{y:2—4t’

0 d:{ x=l=dt o on+4y—10=0

y=2+2t
Jx==-2+t . ,.x_y—3
@d'{y:2+2t vad.l— -
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@ Cau 10. Tinh géc gitta hai dudng thang d; va da, véi:
@) di:x-2y—-1=0vadg:x+3y-11=0. @ di:x-2y+3=0vads:2x+y—11=0.
2 di1:3x+y—-4=0vads:2x+3y—7=0. (5) di1:4x+2y—-3=0vadg:x+3y+3=0.
3) di:4x—-y-5=0vads:2x+2y—5=0. ®) di:x+6y—5=0vads:2x+8y—20=0.

@ Cau 11. Tinh khoang céch tit diém M dén dudng thang A, véi:

—BYva A - 3x— — - > x=2-t
@ 34(4, 5)vaA:3xz—4y+8= (@ Mx(ai,t5) va A ® M2:3) vaA:{ 2
. = y=
2 M(2;3)vaA:x—y+2=0. y=2+3t ® M(@3;-5) va A
(3) M(1;5)va A: ~2x—3y—T= x= -2t
0.

y=5+2t

@® TRAC NGHIEM

@ Cau 1. Trong méit phang Oxy, cho diém A(3;-4), B(0,6). Viét phudng trinh tham s6 caa
duong thang AB.

=3-3t =3+3t =10t =3t
A " . B. {* . c. ¥ . p. {* .
y=—4+10¢ y=—4+10¢ y=6-3¢ y=6+10¢
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. 0 p =344t
@ Cau 2. Trong mat phang Oxy, cho duong thang A cé phuong trinh tham s6 {x R
y=-
Piém nao sau day thudc duong thang A?
A. M(@19;1). B. N(19;0). C. P(19;2). D. Q(7;1).
n o 2 N 2 x=3-2t ~ . > 5
@ Cau 3. Trong mat phang Oxy, cho dudng thang d : { 143%° Mot véc-to chi phuong cua
y =
duong thang d 1a
A. ¥ =(2;3). B. ¥ =(3;2). C. ©=(-2;-3). D. ¥ =(2;-3).

@ Cau 4. Trong mit phang Oxy, néu moét dudng thang A c6 hé sb géc 1a £ thi A c6 mét véc-to
chi phuong la
A. U =(k;1). B. u =(k;-1). C. @ =(1;k). D. @ =(-1;k).

@ Cau 5. Trong mit phang Oxy, viét phuong trinh tham sb ctia dudng thang d di qua diém
A(1;-4) c6 mot véc-to chi phuong 1a & = (-4;9).

x=1-4t x=1-4t x=1-4t x=1+9¢
A. . B. . C. . D. .
y=4+9t y=—-4-9t y=—-4+9t y=—-4-4¢
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@ Cau 6. Trong mit phang Oxy, viét phuong trinh tham sé ctia duong thang d di qua diém
A(3;-5) c6 hé sb goc k= -3.

A x=3+1 - B. x=3+t - C. x:3+3t. D. x:3—3t.
y=-5+3t y=-5-3t y=-5+t y=-5+1

@ Cau 7. Trong mit phéng Oxy, viét phuong trinh tham s6 dudng thang d di qua diém
. |x=2018 +2¢

A(0;—4) va song song véi dudng thang A ¢6 phudng trinh tham sb 10—+
y=1U-=
A {x:—2t B. {x:—4+2t. C. {x:—Zt D. {x:—4—t'

y:—4+t' y=-—t y:4+t' y=2t

@ Cau 8. Trong mit phang Oxy, viét phuong trinh tham s6 cia dudng thang A di qua diém
M(5;-2) va c6 véc-te phap tuyen n = (4;-3).

A x:8+3t. B. x=5-3t . C. x=5+4t ' D. x:2+4t.
y=2+4t y=-2+4t y=-2-3t y=5-3t
~ < 2 x=2+3t .0 N ~ ~ a
@ Cau 9. Cho duong thang d: { E_as biém nao sau day khong thudc d?
Yy=o-—
A. A(5;3). B. B(2;5). C. C(-1,9). D. D(8;-3).
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@ Cau 10. Puong thing d c6 vecto phap tuyén 7 = (a;b). Ménh dé nao sau day sai?
A. U1 =(b;-a)la vecto chi phuong ctaa d.
B. ¥ =(-b;a) la vecto chi phuong cta d.
C. n/ =(ka;kb)k € R 12 vecto phap tuyén caa d.
£ -b
D. d co hé so goc k= — (b #0).
a

@ Cau 11. Puong thing di qua A(-1;2), nhan 7 = (2;-4) lam véc to phap tuyén c6 phudng
trinh la
A. x-2y-4=0. B. x+y+4=0. C. —x+2y—-4=0. D. x-2y+5=0.

@ Cau 12. Cho dudng thang (d) : 2x + 3y —4 = 0. Vecto nao sau day la vecto phap tuyén caa
d)?
A. 77=(3:2). B. 75 =(—4;-6). C. 13 =(2;-3). D. 7, =(-2:3).

@ Cau 13. Cho duong théng d : 3x— 7y + 15 = 0. Ménh dé nao sau day sai?
—> N 2 - 2 A A 2 3
A. © =(7;3) la vecto chi phudng cta d. B. d c6 hé so goc k= -2

. 1
C. d khong di qua goc toa do. D. d di qua hai diém M(—§;2 va N (5;0).

@ Cau 14. Phuong trinh duong thang di qua hai diém A (-2;4);B(-6;1) la:
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A. 3x+4y—-10=0. B. 3x-4y+22=0. C. 3x—4y+8=0. D. 3x—-4y—-22=0.

@ Cau 15. Cho dudng thang d : x —2y + 1 = 0. Néu duong thing (A) di qua M(1;-1) va song

song v6i d thi (A) c6 phuong trinh
A. x-2y-3=0. B. x-2y+5=0. C. x-2y+3=0. D. x+2y+1=0.

@ Cau 16. Choba diém A (1;-2),B(5;-4),C(-1;4). Pudng cao AA’ ctia tam gidc ABC c¢6 phuong

trinh
A. 3x—-4y+8=0. B. 3x-4y-11=0. C. 6x+8y+11=0. D. 8x+6y+13=0.

@ Cau 17. Cho hai dudng thang (d1):mx+y=m+1,(d2): x+my =2 cit nhau khi va chi khi
A. m#2. B. m#+1. C. m#1. D. m#-1..

@ Cau 18. Cho hai diém A (4;0), B(0;5). Phuong trinh nao sau day khoéng phai 14 phuong
trinh cua duong thang AB?

=4 -4t
A. {x (teR). B.

4 _5
iy - 1. C. x—4:%. D. y= —x+15.
y= -

+
4

A~ 8
(SRS
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@ Cau 19. Puong thang (A): 3x — 2y — 7 =0 cat duong thang nao sau day?
A. (d1):3x+2y=0. B. (d9):3x—-2y=0.
C. (d3):-3x+2y-7=0. D. (d4):6x—4y—-14=0.

@ Cau 20. Ménh dé nao sau day dung? Puong thang d :x -2y +5=0:
A. Diqua A(1;-2).

B. C6 phuong trinh tham s0: {x of (teR).

p 1
C. dcéhéségéck:a
D. d cét (d')cé phuong trinh: x — 2y = 0.

@ Cau 21. Cho dudng thang d : 4x—3y+5 = 0. Néu dudng théng (A) di qua géc toa do va vudng
goc véi d thi (A)co phuong trinh

A. 4x+3y=0. B. 3x-4y=0. C. 3x+4y=0. D. 4x-3y=0.
R . e ) x=1-2¢ . .
@ Cau 22. Giao diém M caa d : vad' :3x-2y-1=01a
y=-3+5¢t
A. M(Z;—E). B. M(o;l). . M(o;—l). D. M(—l;o).
2 2 2 2
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@ Cau 23. Phuong trinh nao sau day biéu dién duong thang khéng song song véi duong thang
d:y=2x-1?
A. 2x—y+5=0.. B. 2x-y-5=0.. C. 2x+y=0.. D. 2x+y-5=0..

@ Cau 24. Viét phuong trinh téng quat cia duong thang di qua diém I(-1;2) va vudng géc
v6i duong thang c6 phuong trinh 2x—y+4=0
A. —x+2y-5=0. B. x+2y-3=0. C. x+2y=0. D. x-2y+5=0.

. = —2+5¢ . .
@ Cau 25. Hai dudng thang (d1): {x " va (dg): 4x+ 3y —18 = 0. Cat nhau tai diém co
toa do:
A. (2:3). B. (3;2). C. (1;2). D. (2;1).

@ Cau 26. Goéc gitta hai duong thézlng Ar:a1x+biy+c1=0va Ag:asx+bay+ce =0 dudc xac
dinh theo cong thiic:

+bib +b1b
A cos(A1,0p) = ——e—E B. cos(A1,Az) = ';”“22 122' .
\/a1+b1.\/a2+b2 \/a1+bl.\/a2+b2
+1b +b1bg+
C. cos(A1,A9) = 102 + 5152 . D. cos(Al,Az):\/a1a2 21 22 e~
a2 +b2+/a?+b? a?+b
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. x=2+t
@ Cau 27. Tim cosin géc gitia 2 duong thang Aq: 10x+5y—-1=0va Az:{

yzl—t‘
A S B. Y10, c. 310, D. 3.
10 10 10 5

@ Cau 28. Tim césin géc gita 2 dudng thang A;: x+2y—/2=0va Ag: x—y =0.
1 2

3 3

@ Cau 29. Tim cosin giita 2 dudng thang A;: 2x+3y—10=0 va Ag: 2x — 3y +4=0.
7 6 5

A, —. B. —. . V13. D. —.
13 13 C 13

@ Cau 30. Tim géc gitta 2 duong thang A1: 2x+2v3y+v5=0va Ag: y—v6=0
A. 60°. B. 125°. C. 145°. D. 30°.

@ Cau 31. Tim géc gitta hai duong thang A1: x+v3y =0 va Ag: x+10=0.
A. 45°. B. 125°. C. 30°. D. 60°.
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@ Cau 32. Tim géc gitta 2 duong thang A;: 2x—y—10=0va Ag: x—3y+9=0.
A. 60°. B. 0°. C. 90°. D. 45°.

Cau 33. Tim cbsin géc gitta 2 dudng thang A;:x+2y—-7=0va Ag:2x—4y+9=0.
3 1 3

A. - B. . C. - D. —.

5 5 V5

Sl

@ Cau 34. Trong mat phang Oxy cho hai dudng thing A;:x+2y-6=0va Ag:x—3y+9=0.

Tinh goéc tao bdi A1 va Ag
A. 30°. B. 135°. C. 45°. D. 60°.

@ Cau 35. Cho hai dudng thang d :x+2y+4=0;ds: 2x—y+6=0. S6 do géc gitta d; va ds 1a
A. 30°. B. 60°. C. 45°. D. 90°.
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x=10-6¢
y=1+5t¢
A. 90°. B. 60°. C. 0°. D. 45°.

@ Cau 36. Tim géc giita 2 dudng thing A;:6x—5y+15=0va Ay: {

A N A - , .~ N 2 N x=15+12¢
@ Cau 37. Tim cosin goc gitta 2 duong thang A;:3x+4y+1=0va Ay: { s
y =
56 63 6 33
A, —. B. —. C. —. D. —.
65 13 65 65

@ Cau 38. Cho diém M (x¢;yo) va dudng thing A:ax+by+c =0 véia?+5b%> 0. Khi d6 khoang
cach d(M;A) la

axo+byg+c
A. dan =

laxg+ byg + c|
B. dorny = ——rF—

Va2+bbz+c2. |Va2+é)2+c2|'

axo+oyp+c axg+o0yp+c

C. dmp = ————. D. dmn = —————.
’ 22+ b2 ’ a?+b?

0 £ 2 =2+3t
@ Cau 39. Khoang cach tir diém M (15;1) dén dudng thang A : {x ; la
y =
A. V5 B. = C. vio p. 18
1] . . \/1_00 . . . ¢50

Suu tam va bién soan



1. PHUONG TRINH PUONG THANG WGV: Doan Thinh

@ Cau 40. Khoang cach tit diém M (5;—1) dén dudng thang A:3x+2y+13=01a

13 28
A, —. B. 2. CcC. —. D. 2v13.
V2 V13

@ Cau 41. Khoang cach tur diém M (0;1) dén dudng thang A:5x—12y—-1=01a

11 13
A, =—. B. —. C. 1. D. V13.
13 17 Vi3
@ Cau 42. Cho ba diém A(0;1), B(12;5), C(—3;5). Pudng thang nao sau day cach déu ba diém
A, B, C?
A. 5x—y+1=0. B. 2x-6y+21=0. C. x+y=0. D. x-3y+4=0.

@ Cau 43. Tim toa d6 diém M nam trén truc Ox va cach déu 2 duong thang: A;:3x—-2y—6=0
vaAg:3x—-2y+3=0

A. (0;v2). B. (%;o). C. (1,0). D. (v2;0).

R . . =1+3t
@ Cau 44. Khoang cach tir diém M (2;0) dén dudng théng A : {x g 12
y =
10 NG
A. 2. B. 1. C. —. D. Y2,
V5 2
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@ Cau 45. Khoang cach tir diém M (1;-1)dén duong thang A:3x-4y—-17=01a
A 2. B. 1 C. 2. p. -2
5 V5 5

cua t? 3 . 3
A. t=—. B. t= C. t=—-. D. t=—.
2 2 2

2 = 2 - 3t o 7 g , s. ., . N
@ Cau 46. Cho dudng thang d: {x 149 va diém A(g;—2). biém A € d dng véi gia tri nao
y=-

1

5"

@ Cau 47. Viét phuong trinh tham s6 ctia dudng thang d di qua diém M(1;-3) va c6 véc-to
chi phuong ¥ =(-2;1).

=1-2t =—-2+t =-1+2t =-1-2¢
AT . B. {” . c. {” . D. {* .
y=-3+t y=1-3t y=3-t y=3+t

@ Cau 48. Trong mit phang Oxy cho dudng thang d: g - % = 1. Phuong trinh tham sb ctia d
la:
A x:5+5t- B. x:5+5t. C. x:5—7t. D. x:5+7t-
y=-Tt y="Tt y =5t y=5¢
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A R 2 x=xotuit 2 . . A 1s 3
@ Cau 49. Cho duong thang d: . Khang dinh nao sau day la dung?
Yy =Yyo+ust
A. Héesbgoccuadlak= B, ui #0. B. Hésbgécctadlak= ﬂ,ug #0.
ui ug
C. Héesbgocctad lak= —E,ug #0. D. Hés6gécctad la k= —%,ul #0.
Uz

ui

o > < =2+2¢
@ Cau 50. Trong méit phang Oxy, cho dudng thang A c¢6 phuong trinh tham s6 {x 3.
y =
Tim diém M c6 toa d6 nguyén nam trén dudng thang A va cach diém A(0;1) mot khoang bang
5.
A. M(-4,4). B. M4;4). C. M(0;2). D. M(8;5).

A. 1.

2 2 < =2+2¢
@ Cau 51. Trong mit phang Oxy, cho dudng thang A c6 phuong trinh tham s6 A : {x
C6 bao nhiéu diém thuéc dusng thang A va cach diém A(0;1) mét khoang bang 5.
B. 3.

y=3+t
C. 2. D. o.

s 2 < =2+2¢
@ Cau 52. Trong mat phang Oxy, cho duong thang A c¢6 phuong trinh tham s6 {x 3.
y =
Goi M(a;b) 1a giao diém ctia dudng thang A véi dudng thang d : x+y+1=0. Tinh a2+ b2.
A. a®>+b%=4. B. o?+b%2=3. C. a®+b%2=5. D. a®+b%2=1.
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° 3 . |lx=2+2t
@ Cau 53. Trong méit phang Oxy, cho dudng thang A c¢6 phuong trinh tham s6 { -~
y =
A(0;1). Goi M(a;b) 1a diém trén A sao cho AM ngin nhét. Tinh a +b.

A2 B. =2, c. 2

. . D. L.
5 5 5 5

@ Cau 54. Trong mit phéng Oxy, cho tam gidc ABC c¢6 A(1;1), B(—2;5) trong tdm G thudc

x=1
duong thang A; c6 phuong trinh { 1-292¢, dinh C thuéc duong thang A, c6 phuong trinh
y= 3
x=Fk . e
.Tim toa do diém C.
y=1-
. C(13;-12). B. C(14;-13). C. C(15;-14). D. C(16;-15).

@ Cau 55. Trong mat phang Oxy, cho hinh vuéng ABCD biét A(~1;2) va phuong trinh caa

x=-14+2¢ _ ., e ,
. Biet toa do diém C(a;bd). Tinh a.b.

A. 2. B. 3. C. 1. D. o.

maot duong chéo la {

@ Cau 56. Trong mit phéng Oxy,cho hai diém A(-1;2), B(-2;3). Goi I(a;b) 1a diém thudc

2 =t
dudng thing A: " sa0 cho TA = IB. Tinh a2 + 52018,
y=3t+10

A. 100. B. 2018. C. 10. D. 1000.
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57. Viét phuong trinh tham s6 ctia dudng thang di qua 2 diém A(3;-7) va B(1;-1).

@ Cau
=t =t =t =3-7
A.{x . B.{x . C.{x . D.{x 8-t
y=-1 y="1 y=-T-t y=1-Tt

@ Cau 58. Viét phuong trinh tham s6 cia dudng thang di qua gbc toa do O va song song véi
x=1+4t

y=1+3t

= 4¢ =4t = -3¢ =3¢
AT B. {" . c. V77 D. {7 .
y=3t y=1+3t¢ y =4t y = —4¢

duong thing d: {

@ Cau 59. Viét phuong trinh tham sb ctia dudng thang d di qua A(-1;2) va vudng géc véi
duong thang A: 2x—y+4=0.
=-1+2t =-1+2¢ =1+2¢ =—1+t¢
{x . B.{x . C.{x D.{x

y=2+t y=2-t y=2—-t y=2+2t

@ Cau 60. Cho tam giac ABC c6 toa do cac dinh 1a A(-1;1), B(4;7), C(3;-2), M la trung diém
cia doan thang AB. Phuong trinh tham sb cia dudng thang CM la:

=3+t =3+t =3-t =3+3t
A" . B. " . c. " . D. " .
y=-2-4¢ y=-2+4t y=4+2t y=-2+4t
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BAI2. PHUONG TRINH PUONG TRON

@ TOM TAT LY THUYET
4) PHUONG TRINH BUGNG TRON

Phuong trinh duong tron (C) c¢6 tam I(a;b) va ban kinh R ¢6 dang

(C):(x—a)+(y-b)? =R?

Q DANG KHAC CUA PHUONG TRINH BUONG TRON

Phuong trinh |2 + y? — 2ax —2by + ¢ =0, véi a2+ b2 —¢ > 0, 12 phuong trinh dudng tron tam
I(a;b), ban kinh R = Va2 + b2 —c.

Q PHUONG TRINH TIEP TUYEN CUA DUONG TRON

Cho duong tron (C) ¢6 tdm I, ban kinh R va duong thang A.
A tiép xtic (C) & d(I,A) =R

Khi dé A dude goi 1a phuong trinh tiép tuyén cta (C).

€) CAC DANG TOAN

e D

0 Dang 1. Xdc dinh tam va bdn kinh cia dudng tron

Phuong phap: Dua vao dinh nghia duong tron.

Vi du 1. Trong cac phuong trinh sau, phuong trinh nao biéu dién dudsng tron? Tim
tam va ban kinh néu c6:

@ x%2+y? —6x+8y+100=0. @ x2+y?+4x-6y—-12=0.

(3) 2x%+2y% —4x+8y—-2=0. @) 2x2+y2+2x-3y+9=0.

Loi giai:

................................................................................................
------------------------------------------------------------------------------------------------

................................................................................................
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Vi du 2. Cho phuong trinh x2 + y2 - 2mx —4(m —2)y +6 —m =0 (1).
(1) Tim diéu kién ctia m dé (1) 1a phuong trinh duong tron.
(2) Néu (1) 1a phuong trinh dudng tron hay tim toa do tAm va ban kinh theo m.

(3 Dang 2. Lap phuong trinh dudng tron phan 1

Phuong phdp: Dé lap phuong trinh duong tron (C) ta thuong can phdi xdc dinh tém
I(a;b) va ban kinh R cua (C).
& (C) c6 tam I va di qua diém A.
(&' Bdn kinh R =IA.
& (C) ¢6 tam I va tiép xiic véi duong thang A.
(¢ Bdn kinh R = d(I1,\).
™ (C) ¢6 duong kinh AB.

& Tém I la trung diém ciia AB.
N AB
(&' Bdn kinh R = -

& (C) di qua hai diém A, B va ¢é tém I ndm trén duong thing A.
(& Viét phuong trinh duong trung truc d ciia doan AB.
(& Xdc dinh tam I la giao diém ciia d va A .
(&' Bdn kinh R =1A.
& (C) di qua hai diém A, B va tiép xiic véi duong thing A.
(& Viét phuong trinh duong trung truc d ciia doan AB.
Ied

(& Tém I cua (C) thod man: { .
d(I,A)=1A
(&' Bdn kinh R =IA.
& (C) di qua diém A va tiép xiic véi duong thang A tai diém B.
(& Viét phuong trinh duong trung truc d ciia doan AB.
(& Viét phuong trinh duong thang A' di qua B va vudng géc véi A .
(& Xdc dinh tam I la giao diém cua d va N
(&' Bdn kinh R =IA.
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(3 Dang 3. Lap phuong trinh dudng tréon phan 2

& (C) di qua diém A va tiép xiic véi hai duong thang A1 va As.
(& Téam I ciia (C) thod man: {d(I’Al) =d,Az) (1).
d(I,A1)=1A(2)
(&' Bdn kinh R =IA.
& (C) tiép xuc véi hai duong thang A1, Ay va ¢6 tdm ndm trén duong thaing d.
(& Tam I ciia (C) thod man: dlA)= d(I’AZ).
Ied
(¢ Bdn kinh R =d(I,A1).
& (C) di qua ba diém khong thing hang A, B, C (duong tron ngoai tiép tam gidc).
(& Phuong trinh ctia (C) c6 dang: x® + y?> —2ax—2by +c¢ =0 (*%).
(¢ Lan luot thay toa do ciia A, B, C vao (*) ta dudc hé phuong trinh.
(&' Gidi hé phuong trinh nay ta tim duodc a, b, c.
(&' Suy ra phuong trinh cta (C).
& (C) néi tiép tam gidc ABC.
(& Viét phuong trinh ciia hai duong phdn gidc trong ciia hai géc trong tam gidc
(& Xdc dinh tam I la giao diém cia hai duong phdn gidc trén.
(¢ Bdn kinh R =d(I,AB).

Vi du 1. Viét phuong trinh dudng tron (C) biét tam I(-2,3) , ban kinh R = 3.

Loi giai:

Loi giai:

................................................................................................

................................................................................................

Vi du 3. Viét phuong trinh duong tron tam I(5;6) va tiép xic véi duong thang d :
3x—4y—-6=0.

Loi giai:
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Vi du 4. Viét phuong trinh dudng tron (C)cé duong kinh AB véi A(1,1); B(7,5).

Loi giai:

Vi du 5. Viét phuong trinh dudng tron (C) biét tam I 12 trung diém ctia doan AB va
ban kinh duong tron bang khoang cach tut A dén duong thang (A):4x—3y+11=0. V6i
A(2,3);B(4,1).

Loi giai:

Vi du 6. Viét phuong trinh dudng tron (C) di qua 3 diém A (5;3);B(6;2);C(3;-1).

Loi giai:

Vi du 7. Cho hai dudng thang: d; :8x+4y+5=0 va dy : 4x— 3y —5 = 0. Viét phuong
trinh duong tron c6 tam nam trén duong thang d : x—6y—10 =0 va tiep xdc véi hai duong
théng dl,dz.

Loi giai:
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(® TULUAN
@ Cau 1. Viét phuong trinh duong tron c6 tam I va di qua diém A, véi:
@) 1(2;4), A(-1;3) (2 1(-3;2), A(1;-1) (3) I(-1;0), A(3;-11)
@ Cau 2. Viét phuong trinh duong tron cé tam I va tiép xic véi duong thang A, véi:
@) I(3;4),A:4x—-3y+15=0 @) 1(5;0),A:2x—y—-15=0
) 1(2;3),A:5x—12y-7=0 () 1(-3;2),A=0x
3) I(-2;1),A:x—4y+20=0 ®) I(-3;-5),A=0y

@ Cau 3. Viét phuong trinh dudng tron cé dudng kinh AB, véi:

@D A(-2;3),B(6;5) 2 A0;1),C(5;1) (3 A(-3;4),B(7;2)

@ Cau 4. Viét phuong trinh dudng tron di qua hai diém A, B va ¢6 tdm I nim trén dudng
thang A, véi:

1) A2;3),B(-1;1),A:x—3y—11=0 (2) A(0;4),B(2;6),A:x—2y+5=0
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@ Cau 5. Viét phuong trinh dudng tron di qua hai diém A, B va tiép xtc véi duong théng A,

4,

VO1:
1) A(1;2),B(3;4),A:3x+y—-3=0 3) A(-1;-2),B(2;1),A:2x—y+2=0
(2) A(6;3),B(3;2),A:x+2y—-2=0 (4) A(2;0),B(4;2),A=0y

@ Cau 6. Viét phuong trinh duong tron di qua diém A va tiép xdc véi dudng thang A tai diém
B, véi:

1) A(-2;6),A:3x—4y—15=0,B(1;-3) (3) A(6;-2),A =0x,B(6;0)
(2 A(-2;1),A:3x—2y—6=0,B(4;3) (4) A(4;-3),A:x+2y-3=0,B(3;0)

@ Cau 7. Viét phuong trinh duong tron di qua diém A va tiép xic véi hai dudng thang A; va
Az, voi:

Q) A(2;3),A1:3x—4y+1=0,A0:4x+3y-7=0 (3) A=0(0;0),A1:x+y-4=0,Ag:x+y+4=0
(2 A(1;3),A1:x+2y+2=0,A0:2x—y+9=0 (@) A(3;-6),A1=0x,A2 =0y

@ Cau 8. Viét phuong trinh dudng tron tiép xic véi hai dudng thing Aq, A va ¢6 tAm nidm
trén duong thang d, véi:
1) A1:3x+2y+3=0,A0:2x-3y+15=0,d:x—y=0
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2 Ap:x+y+4=0As:Tx—y+4=0,d:4x+3y—-2=0
@ A1:4x-3y—-16=0,A9:3x+4y+3=0,d:2x—y+3=0
@ Ar1:4x+y-2=0,Ag:x+4y+17=0,d:x—y+5=0

@ Cau 9. Viét phuong trinh duong tron ngoai tiép tam giac ABC, véi:
@D A(2;0),B(0;-3),C(5;-3)
2 A(5;3),B(6;2),C(3;-1)
3 A(1;2),B(3;1),C(-3;-1)
(@) A(-1;-17),B(-4;-3),C = 0(0;0)
(5) AB:x-y+2=0,BC:2x+3y—1=0,CA:4x+y-17=0
6) AB:x+2y-5=0,BC:2x+y—-7=0,CA:x—y+1=0

@ Cau 10. Viét phuong trinh dudng tron néi tiép tam giac ABC, véi:
(1) A(2;6),B(-3;-4),C(5;0)
(2) A(2;0),B(0;-3),C(5;-3)
(3) AB:2x-3y+21=0,BC:3x-2y-6=0,CA:2x+3y+9=0
@) AB:7x-y+11=0,BC:x+y—15,CA:Tx+17y+65=0

@® TRAC NGHIEM

@ Cau 1. Cho phuong trinh x2 + y2 — 2ax — 2by + ¢ = 0 (1). Véi diéu kién nao thi (1) 14 phuong
trinh ctia duong tron?
A. a®>+b%—4c>0. B. a?+b2-¢>0. C. a®+b2-4c=>0. D. a?+b%2-¢c=0.
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@ Cau 2. Tim m dé phuong trinh x% + y2 —2(m + 1)x — 2(m + 2)y + 6m + 7 = 0 14 phuong trinh
duong tron.

A. m<O. B. m<1.

C. m>1. D. m <-1 hoac m > 1.

@ Cau 3. Cho dudng tron (C): x2 + y? —4x + 3 = 0. Ménh dé nao sau day sai?
A. (C) co tam I(2;0). B. (C)c6 ban kinh R =1.
C. (C) cat truc Ox tai hai diém phan biét. D. (C) cat truc Oy tai hai diém phan biét.

@ Cau 4. Phuong trinh nao sau day 14 phuong trinh dudng tron?
A x*>+y?2—x—y+9=0. B. x2+y2—x=0.
C. x*+y?—2xy—-1=0. D. x2—y?-2x+3y—-1=0.

@ Cau 5. Phuong trinh nao sau day biéu dién duong tron di qua diém A(4;-2)?
A. x?>+y?—4x+Ty-8=0. B. x2+y2-6x-2y+9=0.
C. ¥2+y%2-2x+6y=0. D. x2+y%2+2x-20=0.
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@ Cau 6. Cho duong cong (C,,):x2+y2—8x+10y+m = 0. V6i gid tri ndo ctia m thi (C,,) 12 dudng
tron c¢6 ban kinh bang 7?
A. m=4. B. m=8. C. m=-8. D. m=-4.

@ Cau 7. Viét phuong trinh dusng tron tam I(3;—1) va ban kinh R = 2.
A, (x+3)2+(y-12%=4. B. (x-32+(y—-1)2%=4.
C. (x-32+(y+1)?2=4. D. (x-32+(y-12=2.

@ Cau 8. Viét phuong trinh duong tron tam I(-1;2) va di qua diém M(2;1).
A, ®>+y2+2x-4y-5=0. B. x%+y?+2x—-4y-3=0.
C. x2+y2-2x—4y-5=0. D. x> +y%+2x+4y-5=0.

@ Cau 9. Viét phuong trinh duong tron di qua ba diém 0(0;0), A(a;0), B(0;b).
A. x®>+y%-2ax-2by=0. B. x®2+y2—ax-by+xy=0.
C. 2+y%2—ax-by=0. D. x2+y%2—ax+by=0.

@ Cau 10. Trong cac duong tron cho béi cac phuong trinh sau, duong tron nao tiép xuic véi

truc Ox?
A. x*+y2-5=0. B. x2+y?2—4x-2y+4=0.
C. x2+y?>-10x+1=0. D. x2+y2-2x+10=0.
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@ Cau 11. Xac dinh vi tri tuong d6i ctia hai duong tron (C1) : x2+y2—4x = 0 va (Ca) : x2+y2+8y =

0.
A. (C7) va (Cy) tiép xtc trong. B. (C;) va (Cs) khong cit nhau.
C. (Cy) va (Cy) cat nhau. D. (C1) va (Cs) tiép xtic ngoai.

@ Cau 12. Trong mit phang toa d6 Oxy, phuong trinh nao sau day 1a phuong trinh cia mét
duodng tron?

A. x*+y?2-2x—4y+1=0. B. x2+y2-2y+3=0.

C. x2+y?>—4x+2y+6=0. D. x2+y%2-6x+9=0.

@ Cau 13. Trong mit phéng toa d6 Oxy, phudng trinh nao sau day khong phai 1a phuong
trinh cia mot duong tron?

A. x?+y2-2y—-4=0. B. x2+y2-2x-2y+4=0.

C. 2+y%2—4x-2y+2=0. D. x2+y2-2=0.

@ Cau 14. Trong mit phang toa d6 Oxy, dudng tron x2 + y2 —2x — 4y +4 = 0 tiép xic véi dudng
thang nao trong cac duong thang dudi day?
A. 3x—-4y-5=0. B. 3x-4y+10=0. C. x+2y+5=0. D. x-2y-5=0.
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@ Cau 15. Trong mat phang toa d6 Oxy, cho dudng tron (€) : x2 + y2 —4x + 6y + 8 = 0. Khang
dinh nao dudi day la dang?

A. (€¥) c6 tam 1(2;-3), ban kinh R =5. B. () c6 tam I1(-2;3), ban kinh R = V/5.

C. (%) c6 tam I(2;-3), ban kinh R = /5. D. (€) c6 taAm I(-2;3), ban kinh R =2v/2.

@ Cau 16. Trong mat phang toa do Oxy, cho I(1;2) va d : 2x — y + 5 = 0. Viét phuong trinh caa
duong tron cé tam I va tiép xuc véi duong thang d.

A. (x-12+(y-2)2=5. B. (x-1)2+(y—-2)?= 5.

C. x+1)2+(y+2)?=5. D. (x+1)?+(y+2)?= 5.

@ Cau 17. Tim m dé phuong trinh x? + y2 + 2x + 2y — m = 0 12 phuong trinh ctia mot dudng
tron.
A. m=<2. B. m>2. C. m=2. D. |m|>2.

@ Cau 18. Trong mit phang toa d6 Oxy, cho hai dudng tron (1) : (x+1)2+(y—2)%2 =2 va
(62) : x2 + (y — 5)%2 = 3. S6 tiép tuyén chung cta hai dudng tron la
A. 1. B. 2. C. 3. D. 4.
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@ Cau 19. Trong mét phang toa d6 Oxy, cho hai diém A(-3;1),B(1;5). Viét phuong trinh caa
duong tron c6 duong kinh la AB.

A. (x+12%+(y-3)2=2v2. B. (x-2)%+(y-2)?=8.

C. x+1)2+(y-3)2=8. D. (x-1)2+(y+3)?>=8.

@ Cau 20. Trong cac phuong trinh cho duéi day, phuong trinh niao khéng phai 1a phuong
trinh cia mot duong tron?

A. x?+y?-2x=0. B. x2+y2—4x+2y+6=0.

C. 3x2+3y2+x-2y—-1=0. D. 22+(y+1)2=2.

@ Cau 21. Trong méit phang véi hé toa d6 Oxy, cho duong tron (T): 22 + y2 —3x +4y = 0. Tinh
chu vi cta duong tron (7).
251 5m 251

A. 5. B. T C. ? D. 7

@ Cau 22. Trong méit phang véi hé toa d6 Oxy, cho phuong trinh x2 + y% + 2x — 4y + m = 0, véi
m 1a tham s6. Tim tat ca cac gia tri cia tham s6 m dé phuong trinh da cho 1a phuong trinh
cua mot duong tron.

A. m>5. B. m < 5. C. m<5. D. m <20.
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@ Cau 23. Trong mit phang véi hé toa do6 Oxy, cho dudng tron (C): x2+y%2—6x+2y+1=0.
Trong cac diém M, N, P, @ cho duéi day, tim diém nam ngoai dudng tron (C).
A. M(3;0). B. N(3;-1). C. P(5;-2). D. Q(5;2).

@ Cau 24. Trong miat phing véi hé toa d6 Oxy, cho tam gidc ABC véi A(-1;-1), B(1;1),
C(5;-3). Viét phuong trinh duong tron ngoai tiép AABC.

A. (x-2?2+(y+2)?=10. B. (x-2)?+(y—2)?=10.

C. (x+2)?+(y+2)?%=v10. D. (x-2)%+(y+2)2 =100.

@ Cau 25. Trong mit phang véi hé toa d6 Oxy, cho hai diém A(3;0) va B(0;4). Biét dudng
tron noi tiép AOAB c6 phudng trinh (x — p)? + (y — ¢)> = R%. Tinh gia tri cta biéu thic M =
p+2q+3R.

A. M=4. B. M=6. C. M=12. D. M =36.

@ Cau 26. Trong mit phang véi hé toa do Oxy, cho hai dusng tron (C): (x+1)2+(y—2)2 =5 va
(C"): (x—2)% +(y+4)? =20. Tim sb tiép tuyén chung cta (C) va (C").
A. 1. B. 2. C. 3. D. 4.

379 Suu tam va bién soan



2. PHUONG TRINH DUONG TRON WGV: Doan Thinh

@ Cau 27. Viét phuong trinh dudng tron tam 1(3;2) ban kinh R = 3.
A. x-32+(y-22=09. B. (x-3)2+(y-2)?2=3.
C. x+32+(y+2)2=09. D. (x+3)2+(y+2)?=3.

@ Cau 28. Tim diéu kién can va da d€ phuong trinh x2+y2+2ax+2by = ¢ 12 phuong trinh caa
mot duong tron.

A. a?2+b%2-c=0. B. a2+b%2-¢>0. C. a®?+b%2+¢=0. D. a®>+b%2+¢>0.
A Ay A s g .. |x=1+2cost . A R R N
@ Cau 29. Biét tap cac diém M(x;y) cho béi 34 9sing (t € R) la mot duong tron. Tim tam
y=- sin
I va ban kinh R cta dudng tron do.
A. I(-1;3), R = 4. B. I(-1;3), R =2. C. 1(1;-3), R = 4. D. 1(1;-2), R = 2.

@ Cau 30. Cho duong tron (C):x2+y%—6x+4 = 0. Trong cac dudng thang sau, dudng thang
nao tiep xuc véi (C)?
A. di1:3x+2y-1=0. B. d9:2x—y+1=0. C. d3:x—-2y+2=0. D. dg:x+4y—-1=0.

@ Cau 31. Cho duong tron (C): 22+ y%+2ax+2by+c =0 va diém M(u,v). Ménh dé nao sau day
la dung?
A. u?+v%+2aqu+2bv+c <0 M nim trén dudng tron.
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B. u?+0v2+2aqu+2bv+c <0< M nam trong dudng tron.
C. u?+v2+2au+2bv+c <0< M trung tam ctia dudng tron.

D. u?+v2+2au+2bv+c <0< M nidm ngoai dudng tron.

@ Cau 32. Ménh dé nao sau day la ding khi néi vé hai dudng tron (C1): (x—2)2+(y—-2)2 =1
va (Cg): (x—32 +(y-12=9?

A. Hai dudng tron cit nhau. B. Hai duong tron 6 ngoai nhau.

C. Mot duong tron dung duong tron con lai. D. Hai dudng tron tiép xic trong.

@ Cau 33. Viét phuong trinh tiép tuyén ctia dudng tron (x—1)2+(y+1)? = 4 tai diém A(1;1).
A. x-2y-1=0. B. y=1. C. y=-3. D. 2x+y-1=0.

@ Cau 34. Trong méit phéng toa d6 Oxy, phuong trinh nao trong cac phuong trinh duéi day
la phuong trinh duong tron?

A, x®+y2+2x+2y+9=0. B. x2+y?2+4x-6y+13=0.

C. 222 +y2—3x+y=0. D. 2x2+2y2 +x+y—-1=0.

@ Cau 35. Trong mat phang toa do6 Oxy, diém nao trong cic diém sau day nam trén dudng
tron c6 phuong trinh x2 + y2 — 2x + 4y — 20 = 0?
A. A0:3). B. B(-2:-6). C. C(2:-6). D. D(3:0).
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@ Cau 36. Trong mit phang toa d6 Oxy, dudng tron tam I(2;3) ban kinh R = 3 ¢6 phuong
trinh la

A. x> +y?—4x—-6y+4=0. B. x2+y2+4x-6y+4=0.

C. 22+y?—4x+6y—-4=0. D. x2+y?2—4x-6y—-4=0.

@ Cau 37. Trong mit phang toa d6 Oxy, phuong trinh x2 + y2 — 2ax —2by + ¢ = 0 1a phudng
trinh cia mot duong tron khi va chi khi
A. a?2+c2-b>0. B. a2+b%2-c>0. C. a®?+c%2-b>0. D. b2+c%2-a>0.

@ Cau 38. Xac dinh toa do tam I va ban kinh R ctia dudng tron (€):x%2+y%—4x+6y—-3=0.
A. I1(2;3);R =4. B. I(2;-3);R = 4. C. I(3;2);R =2. D. I(-3;2);R = 2.

@ Cau 39. Dudng tron di qua 3 diém A(1;2), B(5;2), C(1;-3) c6 phuong trinh 1a
A. x®+y?—6x+y-1=0. B. x2+y2-3x+2y—-1=0,
C. x®+y?+6x-y—-1=0. D. 22+y%—2x+3y—1=0.

Suu tam va bién soan



2. PHUONG TRINH DUONG TRON WGV: Doan Thinh

@ Cau 40. Cho ho dudng cong (€,):x2+y2-2(m+2)x—2(m +4)y +4m +2 =0 (1). Tap hop tat
ca cac gia tri ciia m dé (1) 1a phuong trinh ctia mot dudng tron la

m>1
. B. meR. C. -1<m<?2. D. m=3.
m<-1

@ Cau 41. Tiép tuyén ctia dudng tron (%) : x2 + y% —2x +4y — 20 = 0 tai diém A (4;2) c6 phudng
trinh la
A. -3x—4y+20=0. B. 3x+4y+20=0. C. 3x—4y—-20=0. D. -3x+4y+20=0.

@ Cau 42. Cho phuong trinh (C): x2+y%2—2ax—2by+c¢ =0 véi a,b,c 1a cac sb thuc. Véi diéu
kién nao thi phuong trinh (C) la phuong trinh duong tron.
A. a?2+b%2-4c>0. B. a2+b%2-¢>0. C. a®?+b%2-4c=0. D. a?2+b%2-c=0.

@ Cau 43. Tim m dé phuong trinh (C): x? + y2 —8x+ 10y + m = 0 14 phuong trinh dudng tron
c6 ban kinh bang 7.
A. m=8. B. m=-8. C. m=1. D. m=-7.

Suu tam va bién soan



2. PHUONG TRINH DUONG TRON WGV: Doan Thinh

@ Cau 44. Phuong trinh nao trong cac phuong an duéi day khéng phai 14 phuong trinh

duong tron
A. *+y%2-4=0.
C. 2+y2+x+y=0.

B. 22+y?+x+y+2=0.
D. x2+y2-2x-2y+1=0.

@ Cau 45. Cho phuong trinh dudng tron (C): 3x2+3y2—6x+9y—4=0. Tim tam I va ban kinh

R ctia duong tron (C).
1 V1
A. I(l;§),R _ 105 B. 1(1;_§),R _ V165
2 6 2 6
1 1
C. I(—l;g),R= E D. I(—l;—ﬁ),R:E.
2 6 2 6

@ Cau 46. Viét phuong trinh dudng tron tiép xic véi truc hoanh tai diém A(6 ; 0) va di qua
diém B(9 ; 9).
A. (x-6)?+(y-5)? =25.
C. (x—6)2+(y+5)?=125.

B. (x+6)?+(y—5)%2=125.
D. (x+6)*+(y+5)%=25.

@ Cau 47. Phuong trinh duong tron (C): x2+y%—4x—4y—8 =0 va dudng thang (d):x—y—1=0.
Phuong trinh duong thang nao trong cac phuong an dudi day la phuong trinh tieép tuyen caa

(C) song song vdi (d).

A. —x+y+4=0. B. x-y—-4=0. C. x—-y—-4v2=0. D. x+y+4v2=0.
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@ Cau 48. Cho duong tron (C): x%2+y%2+2x—4y—4 =0 . Viét phuong trinh tiép tuyén caa (C)
ké tu A(2;1).

A. (d1):x-2=0,(d2):4x-3y—-5=0.

B. (d1):4x-3y-5=0,(d2):y—1=0.

C. Tu diém A khong ké dudc tiép tuyén véi (C).

D. (d1):3x—4y-2=0,(d2):y—1=0.

@ Cau 49. Tim phuong trinh dudng tron (C) tiép xic véi Oy tai A(0;—2) va qua B(4;-2).
A, x-2?2+(y+2)?=4. B. (x+2)°+(y—2)?=4.
C. x-32+(y—-2)2=09. D. (x-3)2+(y+2)2=09.

@ Cau 50. V6i gia tri nao clia m thi duong thang d : 4x + 3y + m = 0 tiép xuc véi dudng tron
(C):x%2+y?-9=0?

A. m=+15. B. m=+V3. C. m=-38. D. m =3.

@ Cau 51. Pudng tron (C): 22+ y%2 —2x—2y+1 =0 cat duong thing A:x+y—2=0 theo mot day
cung c6 do dai K. Tinh K.

A. K=1. B. K=2. C. K=V2. D.K:?.
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@ Cau 52. Trong hé truc toa d6 Oxy, cho hai diém A(1;3),B(3;1) va dudng théng d : 2x—y+7 = 0.
Viét phuong trinh duong tron (C) di qua A,B va c6 tam nam trén duong thing d.

A. (x-72+(y-7)72=164. B. (x+7)?+(y+7)?=164.

C. (x-32+(y-5)2=25. D. (x+3)%+(y+5)2=25.

@ Cau 53. Trong mat phang toa d6 Oxy, cho dudng tron (¢) di qua hai diém A(2;3),B(-1;1)
va ¢6 tAm nam trén dudng thing A:x—3y—11=0. Viét phuong trinh cta dudng tron (€).

A. x*>+y?-Tx+5y-56=0. B. x2+y2—7x+5y—14=0.

C. 22+y?>+7x-5y-56=0. D. x2+y?>+7x-5y—-14=0.

@ Cau 54. Trong mat phang toa d6 Oxy, cho dudng thang A :3x—4y—31=0 va diém A(1;-7).
Tim toa d6 tdm cta cac dudng tron tiép xic véi A tai A va c6 ban kinh R =5.

A. I1(-2;-3),15(4;-11). B. 11(2;3),15(—4;11).

C. 11(2;-3),12(4;—11). D. 11(-2;3),I(4;—11).

@ Cau 55. Trong méit phang toa d6 Oxy, cho hai dudng tron (€1):x%+y2—2x—2y-2=0 va
(€5) : x% + y% - 8x — 2y + 16 = 0. Khang dinh nao sau day ding?

A. (%)) va (%) khong c6 diém chung.

B. (€¢1) va (%6») tiép xtc v6i nhau.

C. (%)) va (%,) cat nhau tai hai diém phéan biét.

D. (€¢1) va (6») c¢6 ban kinh bang nhau.
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@ Cau 56. Dudng tron di qua ba diém A(1;3), B(5;6) va C(7;0) c6 tam I(a;b) va ban kinh R.
Tinh S =a + b +2R2.
A. S=32. B. S=16. C. S=24. D. S =36.

@ Cau 57. Duong tron di qua diém A(-1;-2) va tiép xic véi dudng thang (d): 7Tx—y—-5=0 tai
diém M(1;2) c6 phuong trinh la

A. (x+6)?+(y-3)2 =50. B. (x-6)2+(y—3)%=50.

C. (x+3)?+(y-6)2=25. D. (x+3)2+(y+6)% =25.

@ Cau 58. Puong tron di qua 2 diém A (3;1), B(5;5) va c¢6 tAm nam trén truc hoanh cé phudng
trinh la

A. x?+y?-20x+50=0. B. x%2+y%2-20x-50=0.

C. x2+y%-24x-24=0. D. x%2+y2-24x+24=0.

@ Cau 59. Cho (d) 1a duong thang di qua hai diém A(0;-5) va B(3;1) va dudng tron (¥) :
x? +y2—20x +50 = 0. Tim toa do giao diém cta (d) va (%).

A. M(@1;3). B. Khong c6 giao diém.
C. M(3;1) va N(5;5). D. M(-3;1) va N(3;5).
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BAI3. PHUONG TRINH ELIP

@ TOM TAT LY THUYET

€) DINHNGHIA

Cho hai diém cb dinh Fi; Fy véi F1F5 = 2¢ va mot do dai
khoéng d6i 2a¢ (0<c <a).

Elip 12 tap hop cac diém M trong mét phang sao cho o
MF1+ MF5 =2a. Khi d6 ta goi: / >h
— Fyva F la tiéu diém. et BRERT

— F1Fy=2c1a tidu cu. ! \ / -
— F1M; FoM 13 ban kinh qua tiéu.

€) PHUONG TRINH CHINH TAC CUA ELIP

Trong mat phang toa d6 Oxy véi F1 (—c;0), Fs(c;0):

2 2
) Y o
M(x,y)€E©§+ﬁ—l (1)

Trong d6 b2=a?-c?vaa>b>0.

Phuong trinh (1) dudc goi 14 phuong trinh chinh tac cta Elip.

€)  HINH DANG VA TiNH CHAT CUA ELIP

Elip c6 phuong trinh (1) nhan céc truc toa do lam truc d6i xing va gbc toa d6 lam tam
dbi xing.
— Tiéu diém: Tiéu diém trai F;(—c;0), tiéu diém phai Fs(c;0).
— Cac dinh A1(—a;0),A5(a;0),B1(0;-b),B5(0;b).
— Truc16n A1A9 = 2a ndm trén truc Ox, truc nhé BBy = 2b nam trén truc Oy.
— Hinh chit nhat ¢ s6 12 hinh chit nhat tao béi duong thang x = +a va y = +b. Tu dé
ta thay hinh chit nhat co sé ¢6 chiéu dai 1a 2a va chiéu rong 1a 2b.

A g c
— Tam saie=—<1.
a

€)» VI TRI TUONG DI CUA DUONG THANG VA ELIP

2 2

Cho dudng thang d: Ax+By+C =0 (A%2+B2?#0) vé(E):x—2+%:1(a>b>0).
a
Ax+By+C=0
Xét hé phuong trinh:{ 42 2 ).
—2+—:1
a? b2

S6 nghiém ctia hé (I) bang s6 giao diém ctia dudng thang d va elip (E).
— Néu hé (I) vo nghiém thi d nE = 2.
— Neéu hé (I) ¢6 nghiém duy nhat thi d nE ={M (x3; ym)}-

388 Suu tam va bién soan



3. PHUONG TRINH ELIP WGV: Doan Thinh

I — Néu hé (I) ¢6 hai nghiém phan biét thi d NE = {M (xur; yaur); N (xn; yn)}-

© VITRITUONG DI CUA DUONG TRON VA ELIP

2 2

Cho dudng tron (C): (x—x0)%+(y - y0)2 =R2 (R >0) va (E): = + 22 =1 (a>b>0).
a

b
(x —x0)* +(y — y0)* = R

Xét hé phuong trinh: { ,2 2 (D).
—+==1
a? b2

S6 nghiém ctia hé (II) bang sb giao diém ctia dudng tron (C) va elip (E).

Hé (IT) c6 thé vo nghiém, c¢6 1 nghiém, 2 nghiém, 3 nghiém ho#c 4 nghiém.

Khi dé dudng tron (C) va elip (E) c6 thé c6 0 diém chung, 1 diém chung, 2 diém chung, 3

diém chung hoéc 4 diém chung theo thi tu dé.

€@ cAcDANG TOAN

(3 Dang 1. Xac dinh mét sé tinh chét clia elip khi biét phuong trinh elip

Phwong phap: St dung cdc cong thiic cua Elip.

Vi du 1. Xac dinh toa do cac dinh, cdc tiéu diém, d6 dai cdc truc, tiéu cu, tAm sai cia
2 .2

elip c6 phuong trinh sau (E): xz + o1

Loi giai: !

T phuong trinh cia (E) tacéa=2,b=1=c=Va2-b2=/3.

Suy ra toa do cac dinh la A{(-2;0), A3(2;0), B1(0;—-1), B2(0;1).

Toa d¢ cac tiéu diém la F; (-v/3;0), F2(V3;0).

D6 dai truc 16n A1As =4, d6 dai truc nhd B1By =2, tiéu cu F1Fs =2¢ =2V/3.
V3

Tam saicta (F)lae= c_ —_—
a 2

Vi du 2. Xac dinh toa do cac dinh, cdc tiéu diém, d6 dai cdc truc, tiéu cu, tAm sai cia
elip c6 phuong trinh sau E : 4x? + 25y% = 100.
Loi giai:

2 .2

Tacé4x2+25y2:100@;—5+yz=1suyraa:5;b=2:»c=¢a2—b - V21,

Suy ra toa do cac dinh la A;(-5;0);A5(5;0);B1(0;—2);B2(0;2).

Toa d¢ cac tiéu diém la F; (-v/21;0);F2 (v21;0).

Do dai truc 16n A1As =10, 6 dai truc nhé B1Bs =4, tiéu cu F1Fy = 2¢ = 2v/21.
c V21

Tam saicua (E)lae=—=—.
a 5

(D Dang 2. Lap phuong trinh chinh téc cta elip khi biét mot s6 yéu t6 lién quan

Phwong phdp: Dua vao dit kién dé bai va cdc cong thite clia Elip

Vi du 1. Trong mat phang toa do Oxy, viét phuong trinh chinh tic ciia elip biét do
dai truc 16n 1a 10 va do dai truc nho la 8.
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Loi giai:
2 42
Trong mit phang toa d6 Oxy, goi phuong trinh chinh tic caa elip 1a Xl —+ Z’— =1 (a>b>0).

Do d6 dai truc 16n 1a 10 va d6 dai truc nhé la 8 nén a =5,b =4 (thda man).

2 2
Vay phuong trinh chinh tac cta elip 1a * Y,

25 16

Vi du 2. Trong mit phang toa do Oxy, viét phuong trinh chinh tic ctia Elip biét d6
dai truc bé la 6 va tiéu cu la 8.
Loi giai:

2 .2
Trong mat phang toa d6 Oxy, goi phuong trinh chinh tac ctia Elip 1a x—2+% =1,(a>b>0).
a
Do d6 dai trucbéla 6 vatiéucula8nén b =3,c=4=a=vb2+c2=5 (théa man).
2 2
Vay phuong trinh chinh tic caa Elip 1a ;—5 + % ~1.

[ Dang 3. Tim toa dé diém théa mén diéu kién cho truéc

Phuong phdp: D¢ xdc dinh toa dé diém M thudc Elip cé phuong trinh chinh tdc la
2

2
(E):x—2+y—2:1 (a>b>0)ta lam nhu sau
a
2
N X
— Gia st M (xp;ym), diéem M e E o —M + jl;—M =1 ta thu dudc phuong trinh thi nhat.
a

— Tu diéu kién ciia bai todn ta thu dudc phuong trinh thit hai; gidi phuong trinh, hé
phuong trinh Gn xur,yu ta tim duoc toa dé cia diém M

2 .2
Vi du 1. Trong mit phang véi hé toa do Oxy, cho Elip (E): 916—6 + % =1 va duong thang
d:x—2y+3=0. Goi A, B la hai dinh cta Elip (E) v6i A thudc tia Ox, B thudc tia Oy. Tim
- R N ., , . A . v ]-
toa do diém C trén d sao cho tam giac ABC c6 dién tich bang 5
Loi giai:
[a?=16=>a=4= A(4;0) x oy .
Tacoq , >AB:—-+==1©3x+4y-12=0va AB=5.
b2=9=b=3=B(0;3) 4 3
ViC€d:C(20—3'c):>CH:d(CAB): =
|100—21| |10c — 21|
5 2 '
1 |10c-21] 1

Mit khéc, theo gia thiét: Sapc = 5 S —5 =3 o

13(2¢—3)+4c—12| [10c —21|

Ta c6 Saapc = —AB CH = 5 -5

10c—-21=1 c=E
o 5.
10c-21=-1

. e . ~  1s 7 11\
Vay c6 hai diém thoa man la C, (5; ?) va C2(1;2).

® 1V LAN

@ Cau 1. Cho elip (E). Xac dinh d6 dai céc truc, tiéu cu, toa do cac tiéu diém, toa do cac dinh,
tam sai, vdi (E) c6 phuong trinh:
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x° Y x? Y (5) 16x2 +25y? =400
—+==1 —+—=1

@ 9 4 ® 25 9 ®) x2+4y%2=1
LY Ly @ 4x*>+9y*=5
—+—:1 —+—:1

@ 16 9 ® 4 1 ® 9x2+25y%=1

@ Cau 2. Lap phuong trinh chinh tic caa (E), biét:
(1) D6 dai truc 16n bang 6, truc nhé bang 4.
(2) D6 dai truc 16n bang 10, tiéu cu bang 6.
(3) Do dai truc 16n bang 8, d6 dai truc nhé bang tiéu cu.
() Tiéu cu béing 8 va di qua diém M (v15;-1).
(5) Do dai truc nhé bang 6 va di qua diém M (-2v/5;2).
(6 Mot tiéu diém 1a F1(-2;0) va d6 dai truc 16n bang 10.
@ Mot tiéu diém la F; (—v/3;0) va di qua diém M (1; ?)
Di qua hai diém M(l;O),N(?;l).

(9 Di qua hai diém M (4;-V3),N (2v2;3).

@ Cau 3. Lap phuong trinh chinh téc caa (E), biét:
N 4, v A . v 3
(1) Do dai truc 16n bang 10, tam sai bang =
A . Q2 N N A . v 4
(2) Mot tiéu diém la F1(—8;0) va tAm sai bang =
(3) Do dai truc nhé bang 6, phuong trinh cac duong chuén 1a xv/7+16=0.
oy 3
(4) Mot dinh 14 A(-8;0), tam sai bang 7

. 4 5 N s A . Y 2
(5) Di qua diém M (2;—5) va c6 tAm sai bang 3
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(® TRAC NGHIEM
@ Cau 1. Viét phuong trinh chinh tic cta elip (E) biét (E) c6 tiéu diém F;(-2;0) va qua
Al(—3;0).

y? y?

2 2y 2 2y
A, (B):—+=—=1. . c—+=—=1. . T—+==1. . T—+—==1.
()4+9 B(E)9+4 1 C(E)9+5 1 D(E)5+4 1

@ Cau 2. Viét phuong trinh chmh tac cua elip (E) biét (E) qua As(3;0) va B1(0; 2)
2 2

2 2
x y y X Yy _
A. (E).9+4—1. B. (E) +5—1 C. (E).3+2—1. D. (E) 4—1.

@ Cau 3. Viét phuong trinh chinh tic cta elip (E) biét (E) ¢6 d6 dai truc 16n bang 8 va d6 dai

truc bé bang 4.

2 2y

=1. D. (E):—+=—=1.
4 2

2 2
KLY y2 X
A. (E): gt 1.  B. (E): —+— 1. C. (E).—16+

v
4 8 4

@ Cau 4. Viét phuong trinh chinh téc caa elip (E) biét (E) c6 d6 dai truc bé bang 6 va tiéu cu
bang 8.
y y

2 ? y 2 y

@ Cau 5. Viét phuong trinh chinh tic cta elip (E) biét hinh chit nhat co sé cta elip (E) ¢6 mot
dinh c6 toa do 1a (3;2).

Suu tam va bién soan



3. PHUONG TRINH ELIP WGV: Doan Thinh

2 2 2 2 2
A E):-Z4+2 -1 B.®:Z+X-1 o ®:-EZ+L-1 D.®E: —+y—:1.
3779 9 "1 5 3 9

@ Cau 6. Viét phuong trinh chinh tic cta elip (E) biét (E) c6 tiéu diém F1(-2;0) va di qua
diém B2 (0;2).
2,2 52 §2

A E): 24+ 21 B(E)-£+——1 C(E)-x—2+——1 D(E)-£+——1
B+ = 1 BT =1 L E): =1 BT =1

@ Cau 7. Viét phuong trinh chinh tic cua elip (E) biét (E) di qua A(0;3) va nhan F(4;0) lam
tiéu dlegn

A. —+y—:1. B.
5 9

\S]
[\]

2 2 2 2

_Y . D.
9 9

X

- = 1. Co = 1'
9

&
i

A v 2 A . « A g N . 1 g
@ Cau 8. Trong mit phang toa do Oxy cho elip (E). Biét (E) cat truc hoanh tai A (5 ;0), cat

truc tung tai diém B |0 ( ) Viét phuong trinh chinh téc cta (E).

y2

A. 4x% +9y% = 36. B. =1. C. g

xz - 1. D. 4x2-9y2 = 36,

@ Cau 9. Trong miat phang toa d6 Oxy cho elip (E). Viét phuong trinh chinh tac cta (E) biét
(E) c6 do dai truc 16n bang 13 va tiéu cu bang 5.
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2 2 2 2 2 2 2 2

x Y X Y X Yy x Y
Al —+—=1. B. —+—=1. C. —+==1. D. —-=—==1.
169 25 25 36 169 36 169 36
4 4

@ Cau 10. Trong mit phéng toa d6 Oxy cho elip (E). Viét phuong trinh chinh tic caa (E) biét

(E) ¢6 @6 dai truc 16n bang 6, d6 dai truc bé bang 4.
2 2 2 2
A. 9x2 +4y2 = 36. B. 2% 1 c. .Yy ) J A
9 4 4 9 9 4

@ Cau 11. Trong mit phing toa d6 Oxy cho elip (E). Viét phuong trinh chinh tic caa (E) biét

(E) ¢6 @6 dai truc bé bang 8 va tiéu cu bang 6.
x? y2 x y
A. — =1. B. —+=—=1 C.

7y ) . A D. 16x2 +25y2 = 400.
25 16 16 9 5 4

@ Cau 12. Trong mat phang toa d6 Oxy cho elip (E). Hinh chit nhat cé sé caa (E) c6 d6 dai

hai canh 1a 8 va 6. Viét phuong trinh chinh téc caa (E )
2 52 2 2 y2 2
A.Z+—:1. B. —+=—=1 C —+3—1. D.

N
9 ‘4 3 ' " 16 9

b—l|§-§
(o))

@ Cau 13. Trong mat phang toa d6 Oxy cho elip (E). Biét hinh chit nhat cd sé cta (E) nhan

A(3;5) 1am dinh. Viét phuong trinh chinh téc caa (E)
2 L2 2 .2 2 2 2

A Y g B. “+2 —1. c. Y -1 pD. = _Y _q
59 5 3 9 25 9
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@ Cau 14. Trong mit phang toa d6 Oxy cho elip (E). Biét hinh chit nhat cd s6 cta (E) c¢6 dién

tich béng 16v2 va chu vi bang 4(v2 + 1). Viét phuong trinh chinh tic caa (E).

2y 2y 2 2 2y

A, —+—=1. B. —+=—=1. C. —+=—=1. D. —+=—=1.
8§ 4 8 16 16 8 4 8

@ Cau 15. Trong mat phang toa d6 Oxy cho elip (E). Biét hinh chit nhat ¢ sé cta (E) ¢6 chiéu
dai bang 4v/2 va (E) c6 tiéu cu bang 2v/6. Viét phuong trinh chinh tic cta (E).
2 g2 2 g2 2 2 2 2
A, —+—=1. B. —+—=1. C. —+=—=1. D. —+=—=1.
8§ 24 24 8 8 2 8 6

@ Cau 16. Cho phuong trinh elip (E): 4x®+9y? = 36. Tinh khodng céach giita hai tiéu diém
Fl,Fz cﬁa ehp (E)
V5 2v5

A. F1Fy=1/5. B. F1Fy =2V5. C. FiFy = < D. FiFy = -

@ Cau 17. Cho elip (E) va diém M € (E) théa MF; =2,MF5 =1. Tim d6 dai truc 16n A;A, caa
(E).
A. A{Ay=3. B. A1{A;=4. C. A1A, =5. D. A{A;=6.
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2 2
@ Cau 18. Cho phuong trinh elip (E): ;—5 + 1—6 = 1. Tim e 12 ti sb gita tiéu cu va do dai truc

I6n cua elip (E).
4
A. e=5. B. e=4. C.e:§. D. e=-.
5 5

@ Cau 19. Cho phudng trinh elip (E): x? +4y% = 1. Tim phuong trinh dudng thang chia cac
canh cta hinh chit nhat co sé ctaa elip (E).

D. x=+1,y=+4.

1 1
A, x=+1y=4+2. B. x:il,y:ié. C. x:il,y:iz.

@ Cau 20. Cho phuong trinh elip (E): 4x2 +5y2 = 20. Tim do6 dai truc 16n A;A, cta elip (E).
A. Aj{Ay =14, B. AjAy;=1. C. A1Ay =/5. D. A1A;=2V5.

@ Cau 21. Cho phuong trinh elip (E): x2 +4y? = 4. Tim d6 dai truc bé B1Bs cta elip (E).
A. B1B;=1. B. B1By =2. C. BBy =3. D. B1By =4.
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@ Cau 22. Cho phuong trinh elip (E):4x% +16y? —1=0. Tinh do6 dai / 14 dudng chéo hinh chit
nhat co s caa elip (E).

A.lzﬁ. B.lzl. C.Z:E. D.lzl.
2 4 2 2
x?  y2 .
@ Cau 23. Cho elip (E): —+ o 1(0<b<a). Goi 2¢ 1a tiéu cu cta (E). Ménh dé nao sau day
a
12 ménh dé diang?
A. c=a+b. B. ¢2=a%+02. C. b2=a?%+c2. D. a?2=02+c2.
x2  y? .
@ Cau 24. Cho elip (E): A 1. Céc tiéu diém caa (E) 1a
A. Fl(—5;0) va F1(5;0). B. Fl(—4;0) va F1(4; 0).
C. F1(-3;0) va F1(3;0). D. F1(-8;0) va F(8;0).
x?  y? .
@ Cau 25. Cho elip (E): %79 " 1. Piém nao sau day la mot dinh cua (E)?
A. A3(-5;0). B. A1(25;9). C. Ay(5;3). D. A4(3;0).
2 2
@ Cau 26. Cho elip (E): 17 36" 1. Do dai truc nhé ctaa (E) la
A. 36. B. 18. C. 12. D. 8.

397 Suu tam va bién soan
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@ Cau 27. Viét phuong trinh chinh tic caa elip (E) biét (E) c6 d6 dai truc 16n bang 8 va di
e 1
qua diéem M 2(3 5) .

2 2
A. (E): —+y7:1. B. (E): —+ =1. C. (E): —+y——1. D. (E): 4+
7 16 4

7

=1.

<
s

2 2 2 R 5
@ Cau 28. Viét phuong trinh chinh tac ciia elip (E) biét (E) di qua cac diém M(2;1) va N (1; %)

2
A. (E): —+

2

x
=1. D. (E).E+

2 2
-1. B. (E): —+y—:1. C. B): =+ ~1.
4 16" 3

I | N

@ Cau 29. Viét phuong trinh chinh téc caa elip (E) biét (E) di qua cac diém B1(0;-3) va
M (—2 ; \/5)
y? ¥? 2 2 2

. Zer. LA o
A. (E).9+9 1. B. (E) +9 1. C. (B): 144+9 1. D. (E): +

@ Cau 30. Viét phuong trinh chinh tic cta elip (E) biét (E) di qua cac diém As(5;0) va

M(3;-2).
2 2 2 2 2 2 2
A EB):+%=1 B.(E):T+E=1 C@E:;+x=-1 D.@&:T ey
3 > 7 %2 5
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