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CHUONG ]/ NG DUNG DAO HAM. KHAO SAT
HAM SO

BAIT1. SU DPONG BIEN - NGHICH BIEN CUA HAM SO

@ TOMTAT LY THUYET
€ DINHNGHIA

Ky hiéu K 1a khoang hoac doan ho#c nita khoang. Gia stt ham sb y = f(x) xac dinh trén
K, taco

X9 € K, X1 < X9
thi f (x1) < f (x2). ) )
— Ham s6 y = f(x) dudc goi la nghich bién (gidm) trén K néu v6i moi x1,x2 € K, x1 < x9
thi f\(xl) > ]f(xz). )
Ham so dong bién hodc nghich bien trén K dudc goi chung la don diéu trén K.
Nhan xét.
— Ham s6 f(x) dong bién trén K khi va chi khi

M > O, Vx1,x2 €K,x1 # X9.
X2 —X1 o /

Khi do do thi ciia ham sé di lén ti trdi sang phdi. 1
— Ham s f(x) nghzch bién trén K khi va chi khi

y
M <0, Vx1,x2 € K,x1 # x9.
X9 —X1
Khi dé dé thi ctia ham sb di xuong ti trdi sang phdi. 0 N

— Néu f'(x)>0, Vx € (a;b) thi ham so f(x) dong bién trén khodng (a;b).

— Néu f'(x) <0, Vx € (a;b) thi ham so f(x) nghich bién trén khodng (a;b).

— Néu f'(x) = 0, Vxe (a;b) thL ham sé f(x) Khong d6i trén khodng (a;b).

— Néu ham so f(x) dong blen trén khodng (a;b) thi f'(x) =0, Vx € (a;b).

— Néu ham sé f(x) nghich bién trén khodng (a;b) thi f'(x) <0, Vx € (a;b).

— Néu thay doéi khoding (a;b) bang mét doan hodc nita khoang thi phdi b6 sung
thém gid thiét “ham sb f(x) lién tuc trén doan hodc nita khodng dé”.

€ QuY TAC TINH DAO HAM

Cho u = u(x), v = v(x) va C 1a hang s6.
(1) Téng, hiéu: (u+tv) =u'+v'.
(2 Tich: (wv) =u'v+v'u=(C-u)=C-u’

(3) Thuong: (%)’ w(v#O):(S) =— '2 .

u

Pao ham ham hop: Néu y = f(u) véi u =u(x) thiy. =y -’
@ Dz 5P y=f Ve =y Uy
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€) CONG THUC TINH DAO HAM HAM PHAN THU'C

_ax+b: L
y_cx+d V=

(ax+b)’ ad —bc

cx+d) (cx+d)?

b

ax®+bx+c , ax®+bx+c ) |a' b
@ y= =y'=

a C

2
x“+2| , lx+

a ¢

0 ! ! ) / 1T 2
a'x*+b'x+c a'x*+b'x+c (a'x2 +b'x +c')

€) BANG CONG THUC TINH DAO HAM

Ham so cap Ham hdgp
(C)Y =0, (C lahang sd)
x*) =a- 2971 w® =a-u*1.u
1\ 1 1Y u'
= T =
x X u u?
1 u
x) =——, (x>0 u)=—— Ww>0
(V%) NG ( ) (Vu) N ( )
(sinx) = cosx (sinu) =u'-cosu
(cosx) = —sinx (cosu) =—-u'-sinu
7
(tanx) = 5 (tanu) = 5
cos?x cos?y
(cotx) = —— (cotu) =— ’u2
sin“x sin“u
(sin”x) =n-sin” 1x-cosx (sin"u) =n-u'-sin” Tu-cosu
(cos”x) = —n-cos™ Lx-sinx (cos”u) =—-n-u'-cos” tu-sinu
1 1
(tannx)' = n-tann_lx-—2 (tan” u)’:n-u’-tann_lu- B
cos?x cos?y
(cot”x) = —n-cot" 1x- — (cotu) =-n-u'-cot" Tu-—
sin“x sin“u
(ex)/ =e¥ (eu)/ = ul .e¥
@®) =a*-Ina @) =u'-a%* 1na
1 u’
(lnlxl)’=;, (x#0) (lnlul)'=;, (u#0)
1 0 !
1 = 0 1 = 0
(log, |xI) T @70 (log, lul) —— @#0)

€© wmoTsbdeHIY

— Néu ham sb f(x) va g(x) cung dong bién (nghich bién) trén K thi ham s6 f(x) + g(x)
ciing dong bién (nghich bién) trén K. Tinh chat nay c6 thé khéng ding d6i véi hiéu
f(x)—g(x).

— Néu ham sb6 f(x) va g(x) 1a cac ham sb6 duong va cung dong bién (nghich bién) trén
K thi ham s6 f(x)- g(x) cing dong bién (nghich bién) trén K. Tinh chat nay c6 thé
khong ding khi cac ham sbé f(x), g(x) khong 1a cac ham s6 duong trén K.
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(® CACDANG TOAN

[ Dang 1. Xét finh don diéu cta hém sé cho bdi biéu thirc
Xét tinh don diéu ciia ham sé y = f(x) trén tdp xdc dinh
— Bude 1: Tim tdp xdc dinh D.
— Budce 2: Tinh dao ham y' = f'(x).
— Bude 3: Tim nghiém cua f'(x) hodc nhiing gid tri x lam cho f'(x) khong xdc dinh.
— Buéc 4: Lip bing bién thién.
— Buéc 5: Két lugn.
Vi du 1. Tim cac khoang dong bién, nghich bién ctia ham s6 y = x% — 322 + 1.

Loi giai:

................................................................................................
................................................................................................

You

, N ~ > A <A . « A 3 N A 1
Vi du 2. Tim cac khoang dong bien, nghich bién cia ham so y = §x3 +4x+1.

Loi giai:

................................................................................................
................................................................................................

, N e > A < A . « A > N A 1
Vi du 3. Tim céc khoang dong bién, nghich bién ctia ham s6 y = §x3 +3x2 +9x — 1.

Loi giai:

................................................................................................
------------------------------------------------------------------------------------------------

Vi du 4. Tim céac khoang don diéu ctia ham so y = x* — 2x2.
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Loi giai:

Loi giai:

ou , N 2, > N - N z 3x+1
Vi du 6. Tim cac khoang don diéu ctia ham so y = o
—x

Loi giai:

................................................................................................

You , N . > . A > N % —x2 +2x-1
Vidu 7. Tim cac khoang nghich bién cia ham so: y = ———

Lai giai:

Vi du 8. Tim cac khoang don diéu ctia ham s6 y = vV2x — 2.
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Loi giai:

................................................................................................

(3 Dang 2. Tim tham sé m dé ham bdc ba, ham nhét bién, ham béc hai trén bdc 1
don diéu trén tép xdc dinh hodc tirng khodng xdc dinh
o +b L. .. d
(1) Ham nhdt bién cé dang y = X0 didu kién x £ -2
. . cx+d c
— Dong bien ad —bc > 0.
— Nghich bien ad —bc <0.
(2) Ham bdc ba cé dang y=ax®+bx?+cx +d.
Déne bid a>0
— Dong bien .
. b2 —3ac<0
. . la<0
— Nghich bién { , .
b*-3ac<0
— Suy bién tiic la a = b =0 ham sb tré thanh ham bdc nhat, dé thdy ham sé dong
bien neu ¢ >0 va ham so nghich bién néu c < 0.
You , N PR TN A mx—1 X <A A N
Vidu 1. Tim m dé ham so y = — dong bién trén (—oo;1) va (1;+00).

Loi giai:

................................................................................................

................................................................................................

You

, N A 1 A P » ., . b3 2
Vidu 2. Cho ham so y= g(m +1)x3 —(m—3)x2 +(m +5)x — 1. Tat ca cac gia tri cia m dé

ham so6 dong bién trén tap xac dinh.

Loi giai:

................................................................................................
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don diéu trén mét khodng (m;n)

(3 Dang 3. Tim tham s& m dé ham sé y = ax: b
cXx

. A g . d
Budc 1: Diéu kién xdc dinh x # ——.

c
ad-bc
Buoce 2: Tinh v/ = ————.
¢ iy (cx +d)?

Buwéc 3: Thuc hién yéu cdu bai todn:

ad—-bc>0
— Ham so dong bién trén khoang (m;n) < d .
- ¢ (m;n)
ad—-bc<0

— Ham sé nghich trén khodng (m;n) d .
— ¢ (m;n)

x—1

XxX—m

Vi du 1. Cho ham sb y = . Tim m d€ ham s6 dong bién trén khoang (—oo;0).

Loi giai:

................................................................................................

. . CA e A s A 21 s £ x+2 . .4
Vi du 2. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé ham so y = —— nghich bién
XxX—m

trén khoang (0; +00)?

N, * 2
Ol glail:
.
................................................................................................
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[0 Dang 4. Ham s6 bac ba y = ax3 + bx? + cx + d(a # 0) don diéu trén khodng (a;b)

Phuong phdp 1 : Khi f'(x) =0 nhdm dudc nghiém.
Budéc 1: Tinh f'(x).

Budéce 2: Gidi f'(x)=0< [

X =X1
x=x3
Bude 3: Lap bing bién thién.

trén (a;b).
Phuong phdp 2 : Khi f'(x) =0 khéng nham dudc nghiém.
Buéc 1: Tinh f'(x).

— m=zgx),VxeK om= m}gxg(x).

— m<gkx),VxeKom< ml?xg(x).

Buéc 4: Dua vao bing bién thién suy ra diéu kién dé ham sé don diéu

Bude 2: Cé lap m, dua vé mét trong cdc dang sau:

You

(0; +00).

Vi du 1. Cho ham s6 y = x® — 352 — mx + 2. Tim m dé ham s6 dong bién trén khoang

Loi giai:

@® TRAC NGHIEM

@ Cau 1. Ham sb y = —x® + 3x%2 — 1 dong bién trén cac khoang:
A. (—o0;1). B. (0;2). C. (2;+00).

@ Cau 2. Cac khoang nghich bién ctia ham s6 y = —x% +3x2-11a
A. (—o0;1) va (2;+00). B. (0;2).
C. (2;+00). D. R.
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p 2 2
@ Cau3. Hims6 y= % nghich bién trén cac khoang
A. (—00:1);(L;4+00).  B. (1;400). C. (~1;+00). D. R\{1}.

@ Cau 4. Cac khoang nghich bién ctia ham s6 y =2x% -3x2 -3 1a
A. (—00;0);(1;+00). B. (0;1). C. [-1;1]. D. R\{0;1}.

@ Cau 5. Cac khoang dong bién ctia ham s6 y=—x3+3x%2+11a
A. (—00;0);(2;+00). B. (0;2). C. [0;2]. D. R.

@ Cau 6. Ham sb y = x* — 222 + 3 nghich bién trén khoang nio?
A. (—o0;-1). B. (-1;0). C. (1;+00). D. R.

3
@ Cau 7. Héi ham s6 y = % —3x2 + 5x — 2 nghich bién trén khoang nao?

A. (5;+00). B. (2;3). C. (—o0;1). D. (1;5).

Suu tam va bién soan
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A o N A 3 A <A A 2 N
@ Cau 8. Héi ham s6 y = 5x5 —3x* + 4x® — 2 dong bién trén khoang nao?

A. (—00;0). B. R. C. (0;2). D. (2;+00).

@ Cau 9. Cho ham sb6 y = 23 + 322 - 9x + 15. Khang dinh nao sau day 14 khang dinh sai?
A. Ham so nghich bién trén khoang (-3;1). B. Ham so dong bien trén R.
C. Ham s6 dong bién trén (-9;-5). D. Ham s6 dong bién trén khoang (5;+00).

~ < 2 +1 2 . < A Ts 2 . .
@ Cau 10. Cho ham s6 y = ch— Khang dinh nao sao day la khang dinh dang?
—X

A. Ham s0 nghich bién trén khoang (—oo;1) U(1;+00).

B. Ham s6 dong bién trén khoang (—oo;1) U (1;+00).

C. Ham s6 nghich bién trén cac khoang (—oo;1) va (1;+00).

D. Ham s6 dong bién trén cac khoang (—oco; 1) va (1;+00).

@ Cau 11. Cho ham s6 y = —x3 +3x%2 - 3x+2. Khéng dinh nao sau day 1a khang dinh ddng?
A. Ham s6 luén nghich bién trén R.

B. Ham s6 nghich bién trén cac khoang (-oo;1) va (1;+00).
C. Ham s6 dong bién trén khoang (—oo;1) va nghich bién trén khoang (1;+o0).

Suu tam va bién soan
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D. Ham s6 luon dong bien trén R.

@ Cau 12. Cho ham sé/y =x+3+2v2—x. Khang dinh nao sau day la khéng dinh ding?
A. Ham s0 nghich bién trén khoang (—oo;-2)va dong bién trén khoang (-2;2).
B. Ham s6 dong bién trén khoang (—oo; —2)va nghich bién trén khoang (-2;2).
C. Ham s6 dong bién trén khoang (—oo;1) va nghich bién trén khoang (1;2).
D. Ham s6 nghich bién trén khoang (—oo;1) va dong bién trén khoang (1;2).

~ se 1 s 7 x%—-3x+5 . . 2 ~ . » N
@ Cau 13. Héi ham s6 y = ————— nghich bién trén cac khoang nao?
x
A. (—o0;—4) va (2;+00). B. (-4;2).
C. (—o0;—1) va (-1;+00). D. (—4;-1) va (-1;2).

@ Cau 14. Cho ham s6 y = vV2x2 + 1. Ménh dé nao duéi day dung?
A. Ham s6 nghich bién trén khoang (-1;1). B. Ham s6 dong bién trén khoang (0;+oo).
C. Ham s6 dong bién trén khoang (-00;0).  D. Ham sb nghich bién trén khoang (0;+oo).

@ Cau 15. Cho ham s6 f(x) = x® — 3x2 — 2. Héi ménh dé nao sau day sai?
A. Ham s0 f(x) dong bién trén khoang (2;+o0).
B. Ham sb f(x) dong bién trén khoang (—oo;0).
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C. Ham s f(x) nghich bién trén khoang (0;2).
D. Ham sb f(x) nghich bién trén khoang (0;+oo).

@ Cau 16. Cho ham s6 f (x) = —x* +2x% +2020. Hoi ménh dé nao sau day dung?
A. Ham s0 f(x) nghich bién trén khoang (0;1).
B. Ham s6 f(x) dong bién trén khoang (-1;0).
C. Ham sb f(x) déng bién trén khoang (0;1).
D. Ham s6 f(x) nghich bién trén khoang (—oco;-1).

2 2 N
@ Cau 17. Cho ham sb f(x) = % Ménh d nao duéi day ding?
A. Ham sb f(x) nghich bién trén khoang (—oo;1) U (1;+00).
B. Ham sb f(x) nghich bién trén khoang R\ {1}.
C. Ham s f(x) nghich bién trén khoang (—oo;1),(1; +00).
D. Ham s6 f(x) nghich bién véi x # 1.

@ Cau 18. Cho ham §6 y =x*—2x% + 4. Trong cac phat biéu sau, dau la phat biéu sai?
A. Ham s0 dong bién trén khoang (-1;0) va (1;+00).
B. Ham s6 nghich bién trén (—oo;—1) va [0;1].
C. Ham sb dong bién trén [—1;0] va [1;+00).
D. Ham s6 nghich bién trén (—oo;—1) u(0;1).

Suu tam va bién soan
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2 2 2
@ Cau19. Him s6 y = ST nghich bién trén khoang nao duéi day?
X
A. (-00;0). B. (—o0;+00). C. (0;+00). D. (-1;1).

@ Cau 20. Cho ham sb y = ax® + bx? + cx + d. Hbi ham s6 luén dong bién trén R khi nao?

a=b=0,c>0 a=b=0,c>0 a=b=0,c>0 a=b=c=0
A. a>0 . B. a>0 } C. a<0 . D. a<0
b%—3ac<0 b%2-38ac=0 b%2-3ac<0 b%—3ac <0

N e e e n C1s £ 1 . .2 N
@ Cau 21. Véi gia tri nao ctia m thi ham s6 y = —§x3 +2x2 — mx + 2 nghich bién trén tap xac

dinh cta n6?
A. m=4. B. m<4. C. m>4. D. m<4.

., . ° 2 N A + 4 . « A A X 2 , . N
@ Cau 22. Gia triciam dé ham so y = mx nghich bién trén moi khoang xac dinh la

x+m
A. -2<m<2. B. 2<m<-1. C. 2=m=<2. D. 2=m<l.
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1. SUDONG BIEN - NGHICH BIEN CUA HAM SO ¥ GV: Doan Thinh

4 <
b nghich bién trén (—oo;1) la

@ Cau 23. Gia tri cia m dé ham sb6 y = "
x+m
A. 2<m<2. B. 2<m=<-1. C. 2=m=<2. D. 2=m=<1.

@ Cau 24. Ham s6 y = —x% + ma? —m dong bién trén (1;2) thi m thudc tiap nao sau day?

A. [3;+00). B. (—o0;3). C. (2;3). D. (—oo;g).

@ Cau 25. Cho ham sb f(x)=x+2+ il’ v6i m 1a tham sb. Tim tat ca céac gia tri thuc cua
x—

tham s6 m sao cho ham sb dong bién trén méi khoang xéac dinh cta né.
A. m<1. B. m<0. C. m=1. D. m=0.

A N A > ~ .2, . o A N A - + 2 .9 A
@ Cau 26. Tim tat ca cac gia tri thuc ciia tham s6 m sao cho ham so6 y = % giam trén
cac khoang ma né xac dinh?
A. m<-3. B. m<-3. C. m=1. D. m<1.

3

A N A 2 » ., . > A N A 1
@ Cau 27. Tim tat ca céc gia tri thuc ctia tham s6 m sao cho ham s6 y = —3% - mx? +(2m —

3)x —m +2 luén nghich bién trén R?
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A. -3=m=<1. B. m<1. C. -3<m«<1. D. m<-3;m=1.

@ Cau 28. Tim tat ca cac gia tri thuc ctia tham s6 m sao cho ham s6 y = 2x3 —3(m +2)x2 +6(m +
1)x —3m +5 luén dong bién trén R?
A. 0. B. -1. C. 2. D. 1.

3
@ Cau 29. Tim gia tri nhé nhat ctia tham s6 m sao cho ham s6 y = % +mx
bién trén R?

A. m=-5. B. m=0. C. m=-1. D. m=-6.

2 _mx—m ludn dong

A N A N 3 A N A + 3 - 2 A . <A A
@ Cau 30. Tim sb6 nguyén m nhé nhat sao cho ham s6 y = % luon nghich bien trén
x+m
cac khoang xac dinh ctia n6?
A. m=-1. B. m=-2. C. m=0. D. Khong c6 m.

@ Cau 31. Ham s6 y = —x% + ma? — m dong bién trén (1;2) thi m thudc tap nao sau day?

A. [3;+00). B. (—o0;3). C. (2;3). D. (—oo;g).
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@ Cau 32. Tap hop tat ca céc gia tri thuc ciia tham s6 m dé ham sb y = x®—3x% +(4 — m)x dong
bién trén khoang (2;+o0) 1a
A. (—oo;1]. B. (—o0;4]. C. (—o0;1). D. (—o0;4).

~ A A, o e e, . » 2 21 s 2 +4 5 % A
@ Cau 33. Tap hop tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y = x+— dong bien trén
XxX+m

khoang (—oo;-7) la
A. [47). B. (4:7]. C. 4:7). D. (4;+00).

~ ~ Ay o s s . ” £ 21 s % +2 X -4 ~
@ Cau 34. Tap hop tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y = x+— dong bién trén
x+m

khoang (—oo;-5)
A. (2;5]. B. [2;5). C. (2;+00). D. (2;5).

+4

@ Cau 35. Gia tri cia m d8 ham sb y = m’i nghich bién trén (~oo; 1) 1a
X+m
A. 2<m<2. B. 2<m=<-1. C. 2=m=2. D. 2=m=<1.
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@ Cau 36. Cho ham s6 y = f(x) ¢6 dao ham 1a f/'(x) =23 - (x — 1) (x +2). Ham s6 y = f(x) dong
bién trén khoang nao dudi day?

A. (—00;-2) va (0;+00). B. (-2;0).

C. (—o0;—-2) va (0;1). D. (-2;0) va (1; +00).

@ Cau 37. Cho ham sb y = f(x) lién tuc trén R va ¢6 f'(x) = (x+ 1)2-(x — 1) - (2 —x). Ham s6
y = f(x) d6ng bién trén khoang nao dudi day?
A. (1;2). B. (-o0;-1). C. (-1;1). D. (2;+00).

@ Cau 38. Cho ham sb f(x) c6 bang xét ddu dao ham nhu hinh vé

x —00 -1 0 1 +00
f(x) -0 + 0 - 0 +

Ham s6 f(x) dong bién trén khoang nao sau day?
A. (0;1). B. (-1;0). C. (—o0;-1). D. (-1;+0c0).

@ Cau 39. Cho ham sb f(x) ¢6 bang bién thién nhu sau:

X —00 -1 0 1 +00

f(x) + 0 0 + 0
2 2
@) / \ / \
—00 1 —00

Suu tam va bién soan
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Ham s6 da cho dong bién trén khoang nao dudi day?
A. (1;+00). B. (-1;0). C. (-1;1). D. (0;1).
@ Cau 40. Cho ham sb6 y = f(x) c6 bang bién thién nhu sau:
x —00 -2 3 +00
yl — 0 + O —
+00 4
Yy \ / \
1 —00
Ham s6 dong bién trén khoang?
A. (-2;+00). B. (-2;3). C. (3;+00). D. (—o0;-2).
@ Cau 41. Cho ham sb6 y = f(x) c6 bang bién thién nhu sau:
x -2 -1 1 3
f'(x) - 0 - H +
1 5
0 -2
Khang dinh nao duéi day sai?
A. Ham s6 dong bién trén khoang (—-2;-1).
C. Ham s6 nghich bién trén khoang (-1;1).

B. Ham s6 dong bién trén khoang (1;3)
D. Ham so dong bién trén khoang (0;1)

Suu tam va bién soan
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@ Cau 42. Cho ham sb y = f(x) c6 bang bién thién nhu sau:

x —00 2 +00
f'(x) + H +
+00 1
f(x) / /
1 —00

Khang dinh nao dudi day dung?
A. Ham s0 dong bién trén R\ {2}.
B. Ham s6 dong bién trén khoang (—o0;2).
C. Ham s6 dong bién trén khoang (—oo;+00).
D. Ham s6 dong bién trén khoang (1;+oco).

@ Cau 43. Cho ham sb6 y = f(x) c6 bang xét dau dao ham nhu sau:

X —00 -1 0 2 +00
f'(x) + 0 - H - 0 i

Ménh dé nao ding ?
A. Ham so dong bién trén khoang (-2;-1). B. Ham so0 dong bién trén khoang (1;3).
C. Ham so nghich bién trén khoang (-1;1). D. Ham so dong bién trén khoang (0;1).

@ Cau 44.
Cho ham sb y = f(x) ¢6 d6 thi nhu hinh bén. Ham s6 da cho y
dong bién trén khoang nao?

A. (0;1). B. (—oo;1). C. (-1;1). D. (-1;0).

[22] Suu tam va bién soan



1. SUDONG BIEN - NGHICH BIEN CUA HAM SO

¥ GV: Doan Thinh

@ Cau 45. Cho ham s6 y = f(x) x4c dinh trén R\ {-1}, lién tuc trén méi khoang xac dinh va c¢6

bang bién thién nhu hinh sau. Ménh dé nao duéi day ding?

x | —oo -1 1 +00
y' - -0+
+00 +00 +00
AN N7
—00 2

A. Ham s6 nghich bién trén khoang (—oco;—1).
B. Ham s6 nghich bién trén khoang (—oo; +00).
C. Ham sb dong bién trén khoang (—1;+o0).
D. Ham s6 dong bién trén khoang (—oco; 1).

@ Cau 46. Cho ham sb y = f(x) c6 bang xét dau dao ham nhu sau:

X ‘ -0 -2 0 +00

Ham s6 y = f(x) dong bién trén khoang nao duéi day?
A. (-2;0). B. (-3;1). C. (0;+00).

D. (—o0;-2).

@ Cau 47. Cho ham sb y = f(x) c¢6 bang bién thién nhu sau

23]
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x | —oo -1 1 +00o
y' + + 0 - -
+00 0 +00
S NN
1 —00 —00 1

Ham s6 da cho dong bién trén khoang nao dudi day?
A. (—00;0). B. (-1;1). C. (-1;0). D. (1;+00).

@ Cau 48. Cho ham sb y = f(x) lién tuc trén R va c6 bang bién thién nhu sau

X | —oo -3 -2 +00
y' + 0 + 0 -
5
TN
—00 —00

Trong ciac ménh dé sau, c¢6 bao nhiéu ménh de sai?
i) Ham s6 da cho dong bién trén cac khoang (—oo; —5) va (-3;-2).
ii) Ham s6 da cho dong bién trén khoang (—oo;5).
iii) Ham s6 da cho nghich bién trén khoang (-2;+o0).
iv) Ham sb da cho dong bién trén khoang (—oo;—2).
A. 1. B. 2. C. 3. D. 4.

2 -2 N
@ Cau 49. Cho ham sb y=——. Ménh dé no dusi day diing?
x

A. Ham s6 nghich bién trén khoang (-oo;—1).

B. Ham s6 dong bién trén khoang (—oo; —1).

C. Ham s6 nghich bién trén khoang (—oo; +00).

D. Ham s6 nghich bién trén khoang (-1;+o0).
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1. SUDONG BIEN - NGHICH BIEN CUA HAM SO ¥ GV: Doan Thinh

@ Cau 50. Cho ham s6 y = —x® + 322 + 1. Khéng dinh nao sau day la ding?
A. Ham s6 dong bién trén khoang (0;2). B. Ham s6 dong bién trén khoang (—oco;0).
C. Ham s6 dong bién trén khoang (2;+c0).  D. Ham s6 nghich bién trén khoang (0;2).

@ Cau 51. Cho ham s6 y = f(x) c6 dao ham f'(x) = 2x2 + 4 — cosx, Vx € R. Ménh dé nao dudi day
dang?

A. Ham s6 nghich bién trén khoang (-oo;0).

B. Ham s6 nghich bién trén khoang (1;+00).

C. Ham s6 nghich bién trén khoang (-1;1).

D. Ham s6 dong bién trén khodng (—oo; +00).

@ Cau 52. Cho ham sb f(x) ¢6 dao ham 1a f'(x) = (x—2)(x+5)(x + 1). Ham s6 f(x) d6ng bién trén
khoang nao dudi day?
A. (2;+00). B. (-2;0). C. (0;1). D. (-6;-1).

@ Cau 53. Cho ham sb f(x) ¢6 dao ham 13 f/(x) = x*(x — 1)%(x + 2). Khoang nghich bién ctia ham
s 1a
A. (—00;-2);(0;1). B. (—2;0);(1;+00). C. (—00;-2);(0;+00). D. (-2;0).
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@ Cau 54. Cho ham sb f(x) c6 bang xét dau cta f'(x) nhu sau:

X —00 -3 -1 1 +00
f'(x) -0 + 0 0 +
Ham sb6 y = (5 - 2x) nghich bién trén khoang nao duéi day?
A. (2;3). B. (0;2). C. (3;5). D. (5;+00).
@ Cau 55. Cho ham s6 f(x) ¢c6 bang xét dau cta f'(x) nhu sau:
x —00 -3 -1 1 +00
f'(x) -0 + 0 0 +
Ham sb6 y = £(3—2x) nghich bién trén khoang nao duéi day?
A. (4;+00) . B. (-2;1). C. (2;4). D. (1;2).
@ Cau 56.
Cho ham s6 y = f(x). Ham s6 y = f'(x) ¢6 d6 thi nhu hinh bén. vk

Ham sbé y = f(2—x) dong bién trén khoang
A. (2;+00). B. (-2;1). C. (—00;-2). D. (1;3).
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@ Cau 57. Cho ham sb f/(x) ¢6 bang xét ddu nhu sau:

X — -2 1 3 +a0
f'(x) - 0 + 0 + 0 -
Ham s6 y = f (x? + 2x) nghich bién trén khoang nao duéi day?
A. (-2;1). B. (—4;-3). C. (0;1). D. (-2;-1).

@ Cau 58.
Cho ham s6 y = f(x) ¢6 dao ham f’(x) trén R. Hinh vé bén 1a d6 thi cta v

ham sb y = f'(x). Ham sb g(x) = f (x—x2) nghich bién trén khoang nao

trong cac khoang dudi day?
3 3 1 1 2
A. (——;+oo). B. (—oo;—). C. —;+oo). D. (—oo;—).
2 2 2 2
ol 1=—"2 ;
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@ Cau 59. l
Cho ham sb y = f'(x) ¢6 d6 thi nhu hinh vé. Ham s6 y = y
f (2—x?) dong bién trén khoang nao dudi day
A. (-00;0). B. (0;1). C. (1;2). D. (0;+00). 2 Pl
[¢) ~N~—12 X
@ Cau 60.
Cho ham s6 f(x). Ham sb y = f/(x) ¢6 @6 thi nhu hinh bén. WA
Ham sb g(x) = f (1-2x) + 22 — x nghich bién trén khoang ] .
nao duéi day ? 4 / _
3 1 ECR 7
A. (1;—). B. (O;—). C. (-2;-1). D. (2;3). / l
2 2 |
JENG, ) S ;
@ Cau 61. Cho ham sb f(x) c6 bang xét dau ciia dao ham nhu sau
x — 0 1 2 3 +x

=  + 0 - 0o - 0 + o0 -

Ham s6 y = f (x— 1) +x% — 12x + 2019 nghich bién trén khoang nao duéi day?
A. (1;+00). B. (1;2). C. (—o0;1). D. (3;4).
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BAI 2.

¥ GV: Doan Thinh

cuc TR CUA HAM s6
@ TOM TAT LY THUYET

€0 DINHNGHIA

diém xg € (a;b).

Cho ham sb y = f(x) xac dinh va lién tuc trén khoang (a;b) (c6 thé a 1a —oo; b 14 +o0) va
ham sb6 y = f(x) dat cuc dai tai xo.

ham sbé y = f(x) dat cuc tiéu tai xo.
Chuy:

— Néu ton tai s6 2 > 0 sao cho f(x) < f (x¢) v6i moi x € (xg — h;x + h) va x # xo thi ta néi
— Néu ton tai s6 & > 0 sao cho f(x) > f (x¢) v6i moi x € (xg — h;x0 + h) va x # xo thi ta néi

(diém cuc tiéu) cia ham sb.

— Néu ham s6 y = f(x) dat cuc dai (cuc tiéu) tai xo thi xo dudc goi 1a diém cuc dai

f(xo) dudc goi 1a gia tri cuc dai (gia tri cuc tiéu) cia ham s6, ki hiéu 1a fop (for).

Piém M(xo; f(xo)) dudc goi 1a diém cuc dai (diém cuc tiéu) cta d6 thi ham sé.

— Céc diém cuc dai va cuc tiéu dudc goi chung la diém cuc tri. Gia tri cuc dai (gia
tri cuc tiéu) con goi 1a cuc dai (cuc tiéu) va dude goi chung 1a cuc tri cia ham
s0.

€  MINH HOA DO THI

Diém cuc Y

dai ctia do Gia tri cuc

thi dai (cuc dai)
\ ctia ham s6

/

YCb

Diém cuc Diém cuc
dai cua tiéu cua
ham so ham so

Gia tri cuc Diém cuc
tiéu (cuc tiéu)
cua ham so

tiéu cua do

thi
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€) DIEU KIEN CAN BE HAM $6 DAT CUC TR

Pinh 1i 1: Gia st ham s6 y = f(x) dat cuc tri tai diém xo. Khi d6 néu ham sb6 y = f(x) ¢
dao ham tai xg thi f/(xq) = 0.

€) pitu KIEN DU DE HAM SO AT CYC TR|

Pinh li 2: Gia s& ham s6 y = f(x) lién tuc trén K = (xo — A;x0 + h) va c¢6 dao ham trén K
hoac trén K\{xq}, v6i A > 0.
— Néu f'(x) > 0 trén khoang (xo—h;xo) va f'(x) < 0 trén (xo;x0+A) thi xo 12 mot diém cuc
dai ctia ham s6 y = f(x).
— Néu f'(x) < 0 trén khoang (xo—h;xo) va f'(x) > 0 trén (xo;x0+A) thi xo 12 mot diém cuc
tiéu ctia ham s6 y = f(x).
Chu y:
— Gia tri cuc dai (cuc tiéu) f(x) ctia ham sb y = f(x) néi chung khong phai 1a gia tri
16n nhat (nhé nhat) cia ham s y = f(x) trén tap xac dinh cta né.
— Ham s6 chi c6 thé dat cuc tri tai cdc diém ma tai d6 dao ham cta ham sb bing 0
hodc ham s6 khong c6 dao ham. Ngudc lai, dao ham c6 thé bang 0 tai diém xo nhung
ham s6 khéng dat cuc tri tai diém x.

€© DINHLI3:

Gia st ham s6 y = f(x) ¢6 dao ham cap hai trong khoang K = (xo — h;x9 + &) v6i A > 0. Khi
do:

— Néu f'(x9) =0, f" (x0) > 0 thi x( 14 diém cuc tidu.

— Néu f/(x0) =0, f"(x0) < 0 thi xo 1 diém cuc dai.

€@ auyTticTim cyc TR COA HAM $6

Quy tac 1:

Buéc 1: Tim tap xéac dinh ctia ham sb.

Buéc 2: Tinh f'(x). Tim cac diém tai d6 f'(x) bang 0 ho#c f/(x) khong xac dinh.

Budc 3: Lap bang bién thién.

Budc 4: Tt bang bién thién suy ra cac diém cuc tri.

Quy tac 2:

Budc 1: Tim tap xac dinh ctia ham sbé.

Budéc 2: Tinh f/(x). Giai phuong trinh f'(x) = 0 va ky hiéu x; i = 1,2,3,...) la cac nghiém cua
no.

Buéce 3: Tinh f"(x) va f"(x;) .

Buéc 4: Dua vao dau cta f” (x;) suy ra tinh chat cuc tri cia diém «;.

Suu tam va bién soan
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(® CACDANG TOAN

7

(D Dang 1. Tim cuc tri cia ham sé cho bai biéu thirc
Dua vao cdc quy tdc va bang bién thién dé'tim cuc dai, cuc tiéu.

Vi du 1. Tim cuc tri cia ham s6 y = 2% —3x% - 9x + 1.

, N . k3 N A 1
Vi du 2. Tim cuc tri cia ham so6 y = §x3 —2x2 +4x - 5.

Loi giai:

.......................................................................

.......................................................................

.......................................................................

.........................

.........................

.........................

ou , N . . < % 1
Vi du 3. Tim cuc tri cia ham so0 y = §x4 —2x2-3.

Loi giai:

.......................................................................

.........................

Suu tam va bién soan
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O

2. CUC TRI CUA HAM S

< 2x—1

Y 2, N . 2 N A
Vidu 5. Tim cuc tri ciia ham so y =

) x+1

Loi giai:
2
, N . o N A X" —X + 2

Vi du 6. Tim cuc tri cia ham so y = 5

Lai giai:

................................................................................................

(3 Dang 2. Tim cuc tri cGa ham sé biét bang bién thién hodic dd thi
Phuong phap giai: Dua vao bdng bién thién hodc do thi ham sb nhdn biét viée doi dau
ctia dao ham f'(x) dé’ két lugn
— Néu f'(x) dbi ddu tic Gm sang duong khi qua diém xo thi xo la diém cuc tiéu cia
ham so.
— Néu f(x) d6i ddu tiz duong sang Gm khi qua diém xg thi xo la diém cuc dai cia ham
s0.

Vi du 1.
Cho ham s0 y = f(x) ¢6 do thi nhu hinh vé sau. Xac dinh so
diém cuc tri cia ham so.

33] Suu tam va bién soan
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Loi giai:

................................................

................................................

Vi du 2.
Cho ham s0 y = f(x) c6 bang x —00 -3 0 3 +00
bieén thién nhu hinh vé bén. /
X4c dinh sb diém cuc tiu |/ @) -0 + 0 - 0 4+
cua ham so y = f(x). +00 5 +00
1
Loi giai:
[ Dang 3. Tim m dé ham sé dat cuc tri tai diém x,
— Buiée 1: Giai phuong trinh y'(xg) =0 tim m.
— Buidc Ze Thay m vao biéu thitc ¥ (x0) kiém tra:
y"(x0) > 0= Ham sé dat cuc tiéu tai xo
y"(x0) < 0= Ham sé dat cuc dai tai xo
Vi du 1. Cho ham sb6 f(x) = x® = 3mx? +(m — 1)x + 2. Tim m dé& ham s6 dat cuc tiéu tai
x=2.

Loi giai:

..............................................

..................................................

Vi du 2. Xac dinh m dé ham sb y = —«

4

—mx? —2m? dat cuc tiéu tai diém x = 1.

Loi giai:

.............................................

.............................................

...................................................
...................................................

Suu tam va bién soan



9. CUC TRI CUA HAM SO W GV: Doan Thinh

[ Dang 4. Tim m dé ham sé cé » cuc ti
— Ham s6 ¢6 n cuc tri < y' =0 cé n nghiém phdn biét.
— Xét ham s6 bac ba y =ax3 +bx?+cx+d.
A . g . . a # 0
+ Ham s0 c¢6 hai diém cuc tri khi | .
b -3ac>0
N A A , . o a # O
+ Ham so khong cé cuc tri khi | .
b*-3ac<0
— Xét ham sb bdc bon trung phuong y = ax* + bx? +c.
+ Ham so co ba cuc tri khi ab <0.
+ Ham so co 1 cuc tri khi ab = 0.
Vi du 1. Cho ham s6 y =% —3(m +1)x% + 3(Tm —3)x. Goi S 1a tap cac gia tri nguyén
ctia tham s6 m dé ham s6 khong c6 cuc tri. Tim phan t caa S.

Loi giai:

................................................................................................

................................................................................................

Vi du 2. Cho ham s6 y = x*-2mx? +m. Tim tat ca cac gia tri thuc cia m dé ham s6 ¢6
3 cuc tri.

Loi giai:

................................................................................................
------------------------------------------------------------------------------------------------

@® TRAC NGHIEM

@ Cau 1. Piém cuc tiéu ciia ham sb y=-x3+3x+4 1a
A. x=-1. B. x=1. C. x=-3. D. x=3.

135] Suu tam va bién soan
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@ Cau 2. Ham sb nao sau day dat cuc dai tai x =1?
A. y=x5-5x2+5x-13. B. y=x*—4x+3.

1
C. y=x+-. D. y=2x-x.
x

@ Cau 3. Tim tat ca cac gia tri cta tham s6 m d€ ham s6 y = x® — ma? + (2m — 3)x — 3 dat cuc

dai tai x = 1.
A. m=3. B. m>3. C. m=<3. D. m<3.

@ Cau 4. Do thi ham s6 y =x% —2x% +x + 3 ¢6 toa dd diém cuc tiéu la

1 85
A. (3;1). B. (-1;-1). C. (g’ﬁ) D. (1;3).

@ Cau 5. Haim sb y = x*+2(m—2)x2+m2—2m +3 ¢6 dung 1 diém cuc tri thi gia tri cta m la:
A. m=2. B. m<2. C. m>2. D. m=2.

A 1 . S A g . 2 A . N A
@ Cau 6. Choham s6 y = —§x3 +4x% —5x—17. Goi hoanh d6 2 diém cuc tri ctia d6 thi ham sb6

12 x1,x0. Khi d6, tich s6 x1x9 6 gia tri la:
A. 5. B. -5. C. -4. D. 4.

Suu tam va bién soan
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@ Cau 7. Cho ham sb y = 3x* — 423 + 2. Khang dinh nao sau day la dung:

A. Ham s6 khéng c6 cuc tri. B. Ham s6 dat cuc tiéu taix = 1.
C. Ham so dat cuc dai tai x =1. D. Ham so6 dat cuc tiéu tai x = 0.

@ Cau 8. Ham s6 y = asin2x + b cos3x — 2x (0 < x < 27) dat cuc tri tai x = g;x =7n. Khi do, gia tri

cua biéu thitc P =a +3b —3ab la:
A. 3. B. -1. C. 1. D. -3.

@ Cau 9. Ham s6 y = x® — 322 + mx — 2 dat cuc tiéu tai x = 2 khi?
A. m>0. B. m#0. C. m=0. D. m<O..

@ Cau 10. D6 thi ham s6 y =23 —6x%2+9x—1 ¢6 toa d6 diém cuc dai la:
A. (3;0). B. (1;3). C. (1;4). D. 3;1).
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@ Cau 11. Cho ham s6 y =(m—1)x®-3x%2 - (m + Dx+3m%-m+2. P& ham s6 c6 cuc dai, cuc tiéu
thi:
A. m=1. B. m#1. C. m>1. D. m tuy y.

@ Cau 12. Gia tri cuc tiéu cta ham s6 y=x*-2x2+5 1a
5 B. 4. C. 0. D. 1.

@ Cau 13. Cho ham s6 y = x® — 6x% + 4x — 7. Goi hoanh d¢ 2 diém cuc tri cta do thi ham s6 1a
X1,X2. Khi dé, g’lé. tri cua t6ng X1 +x9 la:
A. 6. B. 4. C. 6. D. 4.

@ Cau 14. Hiéu sb gitta gia tri cuc dai va gia tri cuc tiéu cia ham sb y=x%-3x2+41a
A. -4 B. -2. C. 2. D. 4.

@ Cau 15. Cho ham s6 y = ax® + bx2 + cx + d. Néu @6 thi ham s6 c¢6 2 diém cuc tri 1a gbc toa do
va diém A(-1;-1) thi ham s6 c¢6 phuong trinh 14
A. y=2x3-3x2 B. y=-2x3-3x2%. C. y=x%+3x2+3x. D. y=x%-3x-1.

Suu tam va bién soan
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2 1 A N N )
@ Cau 16. Cho ham s6 y = §x3 —2mx? +(4m — 1)x — 3. Ménh dé nao sau day sai?

A . N . 1 se . N A A , .
A. Ham so c6 cuc dai, cuc tiéu khi m < > B. Vi moi m, ham so6 ludn c6 cuc tri.
A . A . 1 < A , . -0 .
C. Ham so0 ¢6 cuc dai, cuc tiéu khi m # 5 D. Ham s0 ¢6 cuc dai, cuc tiéu khi m > 1..
@ Cau 17. Ham s6 y = —x* + 422 + 3 ¢6 gia tri cuc dai la:
A. 2 B. 3. C. o. D. 7.

@ Cau 18. Piém cuc tri cta do thi ham s6 y = V1 +4x —x% ¢6 toa d6 la:
A. (1;2). B. (0;1). C. (2;3). D. (3;4).

@ Cau 19. Biét do6 thi ham sb6 y = x® —2x2 +ax+b ¢6 diém cuc tri 1a A(1;3). Khi d6 gia tri caa
4a - b la:
A. 1. B. 2. C. 3. D. 4.

Suu tam va bién soan



2. CUC TRI CUA HAM SO
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@ Cau 20. Cho ham s6 y = 2% —3x% - 2. Goi a,blan lugt 1a gia tri cuc dai va gia tri cuc tiéu caa

ham sb d6. Gia tri ctia 22+ b la:
A. -8. B. -2. C. 2.

D. 4.

@ Cau 21. Cho ham sb y = x* - 5x2 + 3 dat cuc tri tai x1,x0,x5. Khi d6, gia tri cta tich xqxoxs

la

A. 0. B. 5. C. 1. D. 3.
@ Cau 22. Ham s6 y =% — 3x + 1 dat cuc dai tai x bang:

A. 2 B. 1. C. o. D. -1
@ Cau 23. Tim gi4 tri cuc dai yop ctia ham s6 y = —x*+2x2-5

A. 4. B. -5. C. -2. D. -6

4 1 o« A o N2 .
@ Cau24. Hims6 y= §x3 —2x2 +4x—1 ¢6 bao nhiéu diém cuec tri?

Suu tam va bién soan
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A. 1 B. 0.

@ Cau 25. Trong cac ham sb duéi day, ham s6 nao c6 ding 2 cuc tri?

Ayx+3x+2 B. y=x3-5x2+7.
2x—1

®!

) D. y=2017x%+2016x*.
3x

@ Cau 26. Khing dinh nao 1a dung trong cac khéng dinh sau:
A. Ham s6 trung phuong c6 thé c6 2 diém cuc tri.
B. Ham s6 bac 3 ¢6 thé c6 3 cuc tri.
C. Ham sb trung phuong luén c6 cuc tri.
D. Ham phan thiic khong thé cé cuc tri.

@ Cau 27. Ham s6 y = —4x® — 6x2 — 3x + 2 ¢6 may diém cuc tri?
A. 1. B. 2. C. o. D. 3.

A X IR TN A -1 ~ TN - R .
@ Cau 28. D6 thi ham s6 y = 4x +7 ¢6 bao nhiéu diém cuc tri?
X

A. 3. B. 1. C. 2. D. 0.

Suu tam va bién soan
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@ Cau 29. Ham s6 nao sau day c6 cuc tri?

2x—1
A, y=x3+1. B. y=x*+3x?+2. C. y=3x+4. D. y al

T 3x+2

@ Cau 30. D6 thi ham sb y = x*—3x2 +5 c6 bao nhiéu diém cuc tiéu?
1 B. 0. C. 2. D. 3.

@ Cau 31. Cho ham s6 y = —3x* + 4x2 — 2017. Khang dinh nao sau day 1a ding?
A. Ham s6 c¢6 1 diém cuc dai va khong c6 diém cuc tiéu.
B. Ham s6 khong c6 cuc tri.
C. Ham s6 c6 1 diém cuc dai va 2 diém cuc tiéu .
D. Ham s6 c6 2 diém cuc dai va 1 diém cuc tiéu.

@ Cau 32. Ham s6 nao sau day khong c6 cuc tri?
A. y=x3+3x2 B. y=x°-x. C. y=x*-3+%+2. D. y=a5

Suu tam va bién soan



2. CUC TRI CUA HAM SO W GV: Doan Thinh

@ Cau 33. Ham s6 nao duéi day c6 cuc tri?

A y=x*+1. B. y=x3+x2+2x—-1.
x+1
C. y=2x-1. D. y= .
Y Y ox—1

@ Cau 34. Diéu kién d€ ham sb y = ax* + bx® +¢ (a #0) ¢6 3 diém cuc tri la
A. ab<DO. B. ab>0. C. b=0. D. c=0.

@ Cau 35. Ham sb6 nao sau day c6 ding hai diém cuc tri?

1
A y=x+——. B. y=23+3x2+7x-2.
x+1 5
C. y=-x*-242+3. D.y=x———.
y=—-x*-2x y=a-—

@ Cau 36. Ham sb6 nao sau day khong c6 cuc tri?
2

+1
A. y:2x+?. B. y=x%+3x2. C. y=—x*+2x2+3. D. y:x
x

x—2

@ Cau 37. Trong cac khang dinh sau day, khang dinh nao 14 khang dinh sai?

Suu tam va bién soan
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A. Do thi ham s6 y = ax® + bx? + cx +d,(a # 0) ludn c6 cuc tri.
B. D6 thi ham sb6 y = ax* + bx2 + ¢,(a # 0) ludn c6 it nhat mot diém cuc tri.
ax+b

cx+d
D. Do thi ham s6 y = ax® + bx? + cx + d,(a # 0) ¢6 nhiéu nhat hai diém cuc tri.

C. Ham sb6 y = J(ad —be #0) luon khong co cuc tri.

@ Cau 38. Cho ham sb y= x° — 3x2 + 2. Khang dinh nao sau day dung:
A. Ham s6 c6 cuc dai, cuc tiéu . B. Ham so0 khong c6 cuc tri.
C. Ham so c6 cuc dai, khong c6 cuc tiéu. D. Ham so6 c6 cuc tiéu khéng c6 cuc dai.

@ Cau 39. Tim tat ca céc gia tri thuc ctia m dé ham s6 y = ma*—(m + 1)x2+2m -1 ¢6 3 diém
cuc tri?
m<-1

B. m<-1. C. -1<m<0O. D. m>-1.
m>0

@ Cau 40. Tim tat ca cac gia tri thuc cia m d€ ham s6 y = x® — 2x% + (m + 3)x — 1 khong ¢6 cuc

tri?
8 5 5 8
A. mz—g. B. m>—§. C. m=——. D. m=<——.
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3_ma?+(m+1)x—1dat

A N A > - ., . > A 2 N A 1
@ Cau 41. Tim tat ca cic gia tri thuc ciia tham s6 m dé ham s6 y = 3%
cuc dai tai x = —2?

A. Khong ton taim. B. -1. C. 2. D. 3.

3

A N A P » . s . > A 2 N A 1 ~
@ Cau 42. Tim tat ca cc gia tri thuc cia tham s6 m dé ham s6: y = 35+ mx?+(m+6)x+m co

cuc dai va cuc tiéu.

m< -2 m<-2
A. 2<m«<3. B. . C. ) D. 2<m<3.
m>3 m=3

@ Cau 43. Tim tat cac gia tri thuc cta tham s6 m dé ham s6 y = (m +2)x% + 3x% + mx — 6 ¢6 2
cuc tri?

A. me(-3; )\ {-2}. B. me(-3;1).

C. me(—o0;—-3)u(1;+00). D. me[-3;1].

A N A 2 ., . ° A 2 N 3 1
@ Cau 44. Tim tat cac gia tri thuc ctia tham s6 m dé ham so6 y = §x3 +(m+3)x%+4(m +3)x +

m3 —m dat cuc tri tai x1,x2 théa man —1 < x; < x9
7 m<-3 7
A. ——<m<-2. B. -3<m«<1. C. . D. ——<m<-3.
2 m>1 2
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A 1N A > » . s . > A 2 N A 1
@ Cau 45. Tim tat ca cac gia tri thuc cia tham s6 m dé ham s6 y = §x3 +(m2-m+2)x2+Bm?+

1)x dat cuc tiéu tai x = —2.

-3 --3
A |7 B. m=3. C. m=1. p. |77
m=1 m=-1

@ Cau 46. Tim céc gia tri ca tham s6 m dé ham s6 y = mx* + (m — 1)x% + m chi ¢6 ding mot
cuc tri.

<0 <0
A O<m=<1. B. |” c. |” - D. 0<m=<1.

m=1 m=

@ Cau 47. Tim céc gia tri ctia tham sé m dé ham sé y = mx*+(m2—4m +3)x2+2m -1 ¢6 ba
diém cuc tri.

A. m e (-o00;0). B. me(0;1)U(3;+00).

C. me(-o0;0)u(1;3). D. me(1;3).

@ Cau 48. Tim tat ca céc gia tri thuc ctia tham s6 m d€ ham s6 y = ma*+(m?-9)x%2+10 ¢6 3
diém cuc tri.

0<m<3 O0<m<3
. B. m<-3. C. 0<m=<3. .
m<-3 m<-3
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A N A > ~ ., . > A 2 N A 3 ° e
@ Cau 49. Tim tat ca cac gia tri thuc cia tham s6 m dé ham s6 y = (m + Dx* — ma? + 3 chi c6

cuc tiéu ma khong cé cuc dai.
A. m<-1. B. -1=m=<0. C. m>1. D. -1<m<0O.

@ Cau 50. Ham sb y =23 — 3x2 + mx — 2 dat cuc tiéu tai x =2 khi :
A. m>0. B. m=0. C. m<O. D. m #0.

3 _mx?+(m?-m+1x+1 dat cuc

" e s ae x a £ N £ 1
@ Cau 51. Véi gia tri nao cta tham s6 m thi ham so y = 3*
dai tai x = 1.

A. m=2. B. m=3. C. m=-1. D. m=0.

@ Cau 52. Tim tat ca cac gia tri nao cta tham s6 m dé ham s6 y = ma® +x%+(m?%—6)x +1 dat
cuc tiéu tai x = 1.
A. m=1. B. m=-4. C. m=-2. D. m=2.

3 _mx?+(m?-4)x+3 dat

A N A > 2, . s . N ° A 2 N A 1
@ Cau 53. Tim tat ca cic gia tri ndo ctia tham s6 m dé ham s6 y = 3%
cuc tiéu tai x = 3.

A m=1. B. m=-1. C. m=5. D. m=-"7.
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@ Cau 54. Tim tat ca cac gia tri thuc cta tham s6 mdé @6 thi ham sé y = 2x® —3(m + 1)x2 + 6max
c6 hai diém cuc tri A,B sao cho dudng thang AB vuéng géc véi dudng thang: y = x + 2.
m= —3 m = —2 m = 0
A. . B. . C. . D.
m=2 m=3 m=2

m=0

m=-3"

A . x e o e . . o x*+3x+3
@ Cau 55. Goi M,n lan luct 12 gia tri cuc dai, gia tri cuc tiéu ctia ham s6 y = — g
X
d6 gia tri ctia biéu thie M2 - 2n bang:
A. 8. B. 7.

. Khi

C. 9. D. 6.

@ Cau 56. Cho ham s6 y = x° + 17x% — 24x + 8. Két luan nao sau day la ding?

A. xcp=1. B. xcp =

3" C. xcp=-3. D. x¢p =-12.

@ Cau 57. Cho ham s6 y = 3x* - 622 + 1. Két luan nao sau day 1a dung?
A. yop=-2. B. yep=1. C. yecp=-1. D. yep =2.

Suu tam va bién soan
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n PN £ . Ao oL 3
@ Cau 58. Trong cac ham s6 sau, ham s6 nao dat cuc dai tai x = 5?
1
3

A. y:§x4—x +x2 —3x. B. y=vV-x2+3x-2.
-1
4x2—12x - 8. D. y:x .
x+2

@ Cau 59. Trong cac ham sb sau, ham s6 nao chi ¢6 cuc dai ma khong c6 cuc tiéu?
A, y=-10x*-5x2+7. B. y=-17x3+2x%+x+5 .
x—2 x?+x+1
C. D.y=—"—"—
Y= x+1 Y x—1

. .4 3x%+13x+19 _ o e
€ Cau 60. Choham s y = % Puong thang di qua hai diém cuc tri caa do thi ham
X
s0 ¢6 phuong trinh la:
A. 5x-2y+13=0. B. y=3x+13. C. y=6x+13. D. 2x+4y-1=0.

@ Cau 61. Cho ham s6 y = Va2 - 2x. Khang dinh nao sau day la ding

A. Ham sb ¢6 hai diém cuc tri. B. Ham s6 dat cuc tiéu tai x=0 .
C. Ham so dat cuc dai x=2. D. Ham s6 khong c¢6 cuc tri.
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@ Cau 62. Cho ham sb y =x7 —x®. Khéng dinh nao sau day 1a ding

A. Ham sb ¢6 ding 1 diém cuc tri. B. Ham sb ¢6 dung 3 diém cuc tri .
C. Ham s6 c6 ding hai diém cuc tri. D. Ham so6 c6 ding 4 diém cuc tri.

@ Cau 63. Cho ham s6 y = f(x) ¢6 dao ham F'(x) = (x + 1)(x — 2)%(x — 3)3(x + 5)*. Héi ham sb6 y =
f(x) c6 may diém cuc tri?

A. 2. B. 3. C. 4. D. 5.
1
@ Cau 64. Cho ham s6 y = (x2 - 2x)3. Khang dinh nao sau day 1a dung?
A. Ham sb dat cuc tiéu tai x = 1. B. Ham s6 dat cuc dai taix=1.
C. Ham s6 khong c6 diém cuc tri. D. Ham s6 c¢6 dung 2 diém cuc tri.

@ Cau 65. Cho ham sb y = —x3 + 3x2 + 6x. Ham s6 dat cuc tri tai hai diém x1,xo. Khi d6 gia tri
ctia biéu thuc S = x% + x2 bang:
A. -10. B. -8. C. 10. D. 8.

Suu tam va bién soan
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@ Cau 66. Biét do thi ham s6 y = x® —3x+1 ¢6 hai diém cuc tri A,B. Khi d6 phuong trinh

D. y=—x+2.

duong thang AB la:
C. y=-2x+1.

A. y=x-2. B. y=2x-1.

@ Cau 67. Khoang cach giita 2 diém cuc tri ctia d6 thi ham s6 y =x® - 3x 1a
A. 4V5. B. 2. C. 2V5. D. 4.

@ Cau 68. D6 thi ham s6 y = x® — 322 - 9x + 1 ¢6 hai cuc tri A va B. Piém nao duéi day thudc

duong théng AB?
C. P(1;0). D. Q(-1;10).

A. M(0;-1). B. N(1;-10).

@ Cau 69. Tim gia tri thuc ctia tham sé6 m d& dudng thing d : y = (2m — 1)x + 3 + m vudng géc

v6i duong thang di qua hai diém cuc tri cta d6 thi ham sé y =x® — 3x2 + 1.
3 3 1 1
A. m=-. B. m=-. C. m=—-. D. m=-.
2 4 2 4

@ Cau 70. Tim gi4 tri thuc ctia tham sé m d€ duong théng y = (2m — 1)x + m + 3 song song véi

duong thing di qua cac diém cuc tri ciia do thi ham sb y =23 —3x2+1
3 1 3 1
A. m=-. B. m=-. C. m=—. D. m=—-.
™y ™=y mETy "=y
Suu tam va bién soan
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@ Cau 71. Biét do thi ham sb6 y = x® —3x+1 ¢6 hai diém cuc tri A, B. Khi d6 phuong trinh
duong thang AB la

A. y=2x-1. B. y=-2x+1.. C. y=—x+2.. D. y=x-2.

@ Cau 72. Cho ham sb y = f(x) xac dinh, lién tuc trén R va c6 bang bién thién nhu hinh vé

X | —oo 0 1 +00
y' + - 0 +
2 +00
v N
—00 -3

Ménh dé nao dudi day dung? ) )
A. Ham s0 chi ¢6 gia tri nho nhat khong cé gia tri 16n nhat.
B. Ham s6 c¢6 mot diém cuc tri.
C. Ham s6 c6 hai diém cuc tri.
D. Ham sb c6 gi4 tri 16n nhat bang 2 va gia tri nhé nhét bang 3.

@ Cau 73. Cho ham sb y = f(x) ¢6 bang bién thién nhu hinh vé. Trong cac khang dinh sau
khang dinh nao ding?

X —00 2 6 +00

y + 0 - 0 +
6 +00
y / \ /
—00 1

(52| Suu tam va bién soan
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A. Ham sb c6 gia tri cuc dai bang 2. B. Ham sb c6 gia tri cuc tiéu bang 1.
C. Ham s6 dong bién trén (—oo;2) U(6;+00). D. Ham s6 dat cuc tiéu tai x = 2.

@ Cau 74. Cho ham sb y = f(x) c6 bang bién thién nhu hinh vé. Ham s6 c6 bao nhiéu diém
cuc tri?

X —00 X1 X2 X3 X4 X5 +0o0
y! + -0 + 0 + H - 0 +
+o00 | —OO y2 +00
N NS
—00 Nal Y3
A. 4. B. 2. C. 3. D. 5.

@ Cau 75. Cho ham sb y = f(x) c6 bang bién thién nhu hinh vé. Ham s6 c6 bao nhiéu diém
cuc tri?

X | —oo -2 0 +00
y' + 0 - 0 + 0 +
£(=2) +00
AN
—00 f(0)
A. 3. B. 1. C. o. D. 2.

(53] Suu tam va bién soan
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@ Cau 76.
Cho ham s6 y = f(x) xac dinh trén R va c6 do thi ham s6 y = f(x) 1a Y
duong cong & hinh bén. Héi ham s6 y = f(x) c6 bao nhiéu diém cuc
tri?
A. 6. B. 5. C. 4. D. 3.
(0] X
@ Cau 77.
Cho ham s0 y = f(x). Ham s0 y = f/(x) ¢6 do thi nhu hinh bén. Tim Y
s6 diém cuc tri cia ham s6 y = f(x).
A. 3. B. 1. C. o. D. 2.
O X

@ Cau 78. Cho ham sb y = f(x) c6 bang bién thién nhu sau:

x —00 0 2 +00
y' - 0 + 0 -
+00 3
y \ / \
-1 —00

Gié tri cuc ti€u ctia ham sb da cho bang
A. 0. B. -1. C. 2. D. 3.

Suu tam va bién soan
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@ Cau 79. Cho ham sb6 y = f(x) c6 bang bién thién nhu sau:

X —00 -1 0 1 +00

y' - 0 + 0 - 0 +
+00 -3 +
-4 -4

Gia tri cuc dai ctia ham s6 da cho bang
A. 4. B. 0. C. 1. D. -3.

(0. 0]

@ Cau 80. Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

X —00 -1 0 1 +00

y' + 0 - 0 + 0 -

| TN T

(o, e]
S6 diém cuc tri cia ham s6 da cho
A. 3. B. 2. C. 1. D. 4.
@ Cau 81. Cho ham sb y = f(x) ¢c6 bang bién thién nhu sau:
x —00 -3 -2 -1 +00
y' + 0 - - 0 +
-9 +00 +00
—00 —00 2

(55] Suu tam va bién soan
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Gié tri cuc dai cia ham sb da cho bang
A. 2. B. -3. C. -1. D. -2.

@ Cau 82. Cho ham sb y = f(x) c6 bang bién thién nhu sau:

4
X 1 — 2 +00
3
y' + 0 - 0 +
4 +00
27
Yy / \
0 0
Ham sb6 dat cuc dai tai
4 4
A, —. B. - C. 2 D. o.
27 3
@ Cau 83. Cho ham sb f(x) c6 bang xét dau
X —00 -1 0 1 +00
y' + 0 - 0 + 0 -
Ham sb6 dat cuc tiéu tai
A. x=-1. B. x=0. C. x=1. D. x=2.

Suu tam va bién soan
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@ Cau 84. Cho ham sb y = f(x) c6 bang bién thién nhu sau

x —00 0 1 +00
y' + - 0 +
0 +00
’ / \ /
—00 -1

Ménh dé néq sau day dung?
A. Ham s0 c6 dang mét cuc tri.
B. Ham s6 dat cuc dai tai x =0 va dat cuc tiéu tai x = 1.
C. Ham s6 c6 gia tri 16n nhéat bang 0 va gia tri nhé nhat bang —1.
D. Ham sb c6 gia tri cuc tiéu bang 1.

@ Cau 85.
Cho ham s6 y = f(x) xac dinh, lién tuc trén doan [-2;2] va c¢6 do Xl
thi 14 dudng cong trong hinh vé bén. Ham sb f(x) dat cuc dai tai
diém nao dudi day? ;

A, x=-2. B. x=-1. C. x=1. D. x=2. l

—92 i
l -2 F--
e
@ Cau 86.
Cho ham sb f(x) c6 d6 thi nhu hinh bén. Ham s6 ¢6 bao nhiéu diém cuc tri? y
A. 0. B. 1. C. 2. D. 3.

Suu tam va bién soan
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@ Cau 87.
Cho ham s6 f(x) ¢6 do thi nhu hinh bén. Ham s6 da cho ¢6 bao nhiéu diém
cuc tiéu?

A. 3. B. 2. C. 1. D. 0.
@ Cau 88.
Cho ham sb y = f(x) lién tuc trén R va c6 d6 thi nhu hinh bén. Héi ham s
c6 bao nhiéu diém cuc tiéu?
A. 2. B. 3. C. 4. D. 5.
@ Cau 89.

Cho ham sb y = f(x) lién tuc trén R va c6 d6 thi nhu hinh bén. Hbi ham
s6 ¢6 bao nhiéu diém cuc tri?

A. 2. B. 3. C. 4. D. 5.

Suu tam va bién soan
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@ Cau 90.
Ham s0 y = f(x) ¢6 do thi ham so f'(x) trén khoang K nhu hinh bén.
Héi ham sb6 f(x) c6 bao nhiéu diém cuc tri? y
A. 0. B. 1. C. 2. D. 4.
-1/ O 2 X
@ Cau 91.
Cho ham so y = f(x) xac dinh va ¢6 dao ham f'(x). Biet rang hinh vé y

bén la db thi/cﬁa ham s6 y = f/(x). Ménh dé nao sau day ding?
A. Ham s0 y = f(x) dat cuc dai tai x = —1.
B. Ham s6 y = f(x) dat cuc dai tai x = —2.
C. Ham sb6 y = f(x) dat cuc tiéu tai x = —1.
D. Ham s6 y = f(x) dat cuc tiéu tai x = —2.

@ Cau 92. Cho ham sb y = f(x) lién tuc trén R va c6 bang xét ddu dao ham nhu sau:

X —00 -1 1 3 +00

f'(x) - 0 + + 0 -

Héi ham sb6 y = f(x) ¢6 bao nhiéu diém cuc tri?
A. 2. B. 1. C. 3. D. 3.

Suu tam va bién soan
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@ Cau 93.
Cho ham sb6 y = f(x) d6 thi ciia ham s6 y = f'(x) nhu hinh vé bén. Gia tri cuc
dai cia ham sb6 da cho bang

A. 1(0). B. f(1). C. 1. D. f(-1).

@ Cau 94.

Cho ham sb6 y = f(x) ¢6 ¢6 db thi cia ham sb y = f/(x) nhu hinh vé Y
bén. Héi ham sb y = f(x) ¢6 bao nhiéu diém cuc tri?
A. 3. B. 2. C. 1. D. 4.
—4| O] 1 2\
@ Cau 95.

Cho ham sb6 bac bon y = f(x) ¢6 do thi nhu hinh bén. S6 diém cuc tri
ctia ham s6 g(x) = f (3 +3x2%) 1a
A. 5. B. 3. C. 7. D. 11.

o 4

Suu tam va bién soan
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@ Cau 96. Cho ham sb y = f(x), bang bién thién ctia ham sb f'(x) nhu sau:

L —o0 -1 0 1 +o00

+00 2 +00
'@ \_3 / \_1 /

S6 diém cuc tri ctia ham sb g(x) = f (x® —2x) 1a
A. 9. B. 3. C. 7. D. 5.

@ Cau 97. Cho ham sb y = f(x), bang bién thién ctia ham sb f'(x) nhu sau:

B —1 0 1 e

e x\g /fe \1/

S6 diém cuc tri cia ham s6 g(x) = f (4x2 + 4x) 1a
A. 5. B. 9. C. 7. D. 3.

@ Cau 98.

Cho ham s6 y = f(x) lién tuc trén R, c¢6 do thi f/(x) nhu hinh vé. S6 diém y

cuc tiéu ctia ham sb g(x) = f(-x% +x) 1a % /y=p(x)
A. 1. B. 4. C. 3. D. 2.

(0] 2 X

Suu tam va bién soan
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BAI3.  GIA TRI LON NHAT - GIA TRI NHO NHAT

@ TOM TAT LY THUYET
€ DINHNGHIA

(D) S6 M dudc goi 1a gid tri I6n nhdt ctia ham sb y = f(x) trén 2 néu

fX)<sM,Vxe9
EleEQ,f(xo):M.

Ki hiéu: M = meg(f(x).
X€E
2 Sb6 m dudc goi la gid tri nhé nhdét cia ham sb y = f(x) trén 2 néu

fx)=m,Vxe 9
dxg € @,f(xo) =m.

Ki hiéu: m = min f(x).
x€9D

€) PHUONG PHAP TiM GTLN, GTNN

(D Tim GTLN, GTNN ctia ham sé bang cdach khdo sdt truc tiép
— Tinh f'(x) va tim cac diém x1, x9, ..., x, € 2 ma tai d6 f'(x) = 0 hodc ham sb
khong c6 dao ham.
— Lap bang bién thién va tit dé suy ra gia tri 16n nhat, gia tri nhé nhat cia ham
SO.
2 Tim GTLN, GTNN ctia ham sé trén mét doan
— Ham s6 da cho y = f(x) xac dinh va lién tuc trén trén doan [a;b].
— Tim cac diém x1, x9, ..., x, trén khoang (a;b), tai d6 f'(x) = 0 hoac f'(x) khéng

xac dinh.
— Tinh f(a), f(x1), f(x2), ..., f(xz), F(B).
— Khi dé
- x‘g;%]f(x) =max{f(x1),f(x2),...,f(xn), f(a), f(b)}.
- min f(x)=min{f(x), f(x2),.... f(xn), (@), F(B)).
(3) Tim GTLN, GTNN ctia ham sé trén mét khoang
— Tinh dao ham f’(x).

— Tim tat ca cac nghiém x; € (a;b) ctia phuong trinh f/(x) = 0 va tat ca cac diém
a; € (a;b) lam cho f/(x) khong xac dinh.
— Tinh A = lim f(x), B= lirlr)1 f(x), f(x;), f(a;).
+ x—b~

Xx—a

— So sanh cac gia tri va két ludn M = max f(x), m = min f(x).
x€(a;b) x€(a;b)

Luu y: Néu gid tri I6n nhdt (nhé nhdt) la A hodc B thi ta két lugn ham sé khong cé
gid tri lén nhat (nhé nhat).
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— Néu y = f(x) nghich bién trén [a;b] thi n[n%] f(x)=f(b) va max f(x) = fla).
x€la; x€la;

— Ham s6 lién tuc trén mot khoang eé thé khong cé gia tri 16n nhéat, gia tri nho
nhat trén khoang dé.
— Ngoai phuong phap dung dao ham, ta cé thé dung phuong phap MGT, BDT, ...

‘ @ — Néu y = f(x) dong bién trén [a;b] thi n[lirll)]f(x) = f(a) va rr%a)lslf(x) = f(b).
x€la; x€la;

(® CACDANG TOAN

You

Vi du 3. Cho ham s6 y = x? + 6x — 2. Tim gi4 tri nhé nhat ctia ham sb trén doan [1;5].

Loi giai:

................................................................................................

................................................................................................

Vi du 4. Tim gi4 tri 16n nhat va gi4 tri nhé nhat ctia ham s6 f(x) = ﬁ trén doan
x?—x
[0;3].

Loi giai:

................................................................................................

@® TRAC NGHIEM

@ Cau 1. Trén doan [-1;2], ham s6 y = 2% + 3x% + 1 dat gi4 tri nhoé nhét tai diém

A. x=2. B. x=0. C. x=-1. D. x=1.
@ Cau 2. Trén doan [0;3], ham s6 y = 3 — 3x + 4 dat gia tri nhoé nhéat tai diém
A. x=1. B. x=0. C. x=3. D. x=2.
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au 3. Tréndoan [0;3], ham s6 y = —x3 + 3x dat gid tri 16n nhéat tai diém

@ Cau
A. x=0. B. x=3. C. x=1. D. x=2.
@ Cau 4. Trén doan [-2;1], ham s6 y = x® — 3x% — 1 dat gi4 tri 16n nhat tai diém
A. x=-2. B. x=0. C. x=-1. D. x=1.

@ Cau 5.
Cho ham s6 y = f(x) lién tuc trén doan [-1;3] va c¢6 d6 thi nhu hinh

vé. Goi M, m lan lugt 14 gia tri 16n nhat va nhoé nhét cta ham sbé
trén doan [-1;3]. Gia tricaa M - m la
A. 2. B. 4. C. 6. D. 5.

@ Cau 6. Tim gia tri nhoé nhat cia ham s6 y = x® — 3x + 4 trén doan [0;2].
A. miny=2. B. miny=0. C. miny=1. D. miny=4.
[0;2] [0;2] [0;2] [0;2]
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@ Cau 7. Gia tri nhé nhét cta ham sb y = x* — 8x2 + 18 trén doan [-1;3] bang
A. 2 B. 11. C. 27. D. 1.

@ Cau 8. Gia tri nhé nhat cta ham s6 y = x3 — 3x + 5 trén doan [0;2] 1a

A. miny=0. B. miny=3. C. miny=5. D. miny="17.
[0;] Y [0;2] Y [0;2] Y [0;2] Y

@ Cau 9. Gia tri nhé nhat cta ham sb f(x) = x® — 3x2 — 9x + 35 trén doan [—4;4] 1a
A. min f(x) =-50. B. min f(x)=0. C. min f(x) = —41. D. min f(x)=15.
[—4;4] [—4;4] [—4;4] [—4;4]

@ Cau 10. Gi4 tri 16n nhat cta ham sb f(x) = x® — 8x2 + 16x — 9 trén doan [1;3] 1a
13
A. =0. B. =—. . =—6. D. =5.
13a3§:f (x) Ia%ﬁif (x) 57 C 1[111a31]<f (x)=-6 1[111a3>]:f (x)=5
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@ Cau 11. Gia tri 16n nhat cta ham sb f(x) =x* —2x2 + 1 trén doan [0;2] 1&
A. maxf(x)=64. B. maxf(x)=1. C. maxf(x)=0. D. maxf(x)=9.
[0; 2] [0; 2] [0; 2] [0; 2]

@ Cau 12. Gia tri nhé nhat ctia ham sb y = x(x + 2)(x + 4)(x + 6) + 5 trén nita khoang [—4;+00)
la
A. min y=-8. B. min y=-11. C. min y=-1T7. D. min y=-9.

[—4;+00) [—4;+00) [—4;+00) [—4;+00)

A .« . . 2 A L3 N A - ]- A N
@ Cau 13. Gi4 tri nho nhat ctia ham s6 y = x? trén doan [0;3] 1a
X

1
A. miny=-3. B. miny=—. C. miny=-1. D. miny=1.
[o; 3]y [0; 3]y 2 [0; 3]y [0; 3]y

A ., . 2 A L3 N A 9 N N
@ Cau 14. Gi4 tri nhd nhat ca ham s6 y =x + = trén doan [2;4] 1a

x
13 25
A. miny=6. B. miny=—. C. miny=-6. D. miny=—.
24" 4’ 2 24’ a4
A ey 2 % N N % x2 -x+1 ~ » N
@ Cau 15. Gia tri nhé nhat ctia ham s6 f(x) = e trén khoang (1;00) la
A. min y=-1. B. min y=3. C. min y=5. D. min y=—.
Tro” Tron” Tro” Gire” 3
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2
A 1 A, o 1s £ —8x+7 ..
@ Cau 16. Gia tril6n nhat cia ham s6 y = % la
x
A. maxy=-1. B. maxy=1. C. maxy=9. D. maxy=10.
R xeR xeR R

@ Cau 17. Gia tri 16n nhat va gia tri nhoé nhat ctia ham s6 y = /5 — 4x trén doan [-1;1] 1a

A. ma a 0. B. ma 1va =-3.
P = VA i = PegY =1 i =
C. maxy=3va miny=1. D. maxy=0va mm =—+/5.
[- 11]y [-1;1 ]y [- ll]y [-1; y
1
@ Cau 18. Gia tri 16n nhat ca ham s6 y = §x3 —2x% + 3x —4 trén doan [1;5] 1a
8 10 10
A, —. B. —. C. —4. D. —.
3 3 3

£ £ -1
@ Cau 19. Gia tri 16n nhat cia ham s6 y = xT2 trén doan [0;2] la
X

AL B. 2. c. 1. D. 0.
4 2
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2

@ Cau 20. Cho ham sb y = ad . Khéng dinh nao sau day ding vé gia tri 16n nhat va nhé

x—2
nhat ctia ham so trén doan [3;4]:

2 2 N 3
A. Ham so0 ¢6 gia tri nho nhat bang 5
B. Ham s6 c6 gia tri 16n nhat bang 2.
C. Ham sb c6 gia tri 16n nhat bang 6.

UV VR U ¢ TP SR
D. Ham so c¢6 gia tri 16n nhat bang 5 va gia tri nho nhat bang 6.

A ., .14 A > N A 1 A M
@ Cau 21. Gi4 tri 16n nhat cia ham s6 y = 4x2 + = — 2 trén doan [-1;2] bang
X
29

5 B. 1. C. 3. D. Khéng ton tai.

A.

@ Cau 22. Ham s6 y = x2+2x+1 c6 gia tri 16n nhat va gia tri nhoé nhét trén doan [0;1] 1an ludt
1a y1;y2. Khi do6 tich yi.ys bang:
A. 5. B. -1. C. 4. D. 1.

~ N ; 1 5 e e Ay s e , £ A
@ Cau 23. Hims6 y = §x3 - §x2 +6x+1 dat gia tri 16n nhat va gia tri nhé nhat trén doan [1;3]

tai diém c6 hoanh d6 1an lugt 1 x1;xo. Khi d6 tong x1 + x2 bang
A. 2. B. 5. C. 4. D. 3.

Suu tam va bién soan



3. GIA TRI LON NHAT - GIA TRI NHO NHAT ¥ GV: Doan Thinh

@ Cau 24. Ham s6 y = V4 —x2 dat gia tri nhoé nhat tai x. Gia tri cia x 1a
x=3. B. x=0hoac x =2. C. x=0. D. x=-2hoac x =2.

@ Cau 25. Ham s6 y = (x— 1)2 + (x + 3)? ¢6 gid tri nhé nhat bang:
3 B. 1. C. 10. D. 8.

@ Cau 26. Ham sb y = dat gia tri 16n nhat va gia tri nhé nhat trén doan [-3;0] lan

x% +2
lugt tai x1;x9. Khi do x1.x2 bang
A. 2. B. 0. C. 6. D. V2.

@ Cau 27. Ham s6 y = Va2 +1+x2 ¢6 gia tri 16n nhét, gia tri nhé nhat trén doan [-1;1] lan
ludt 1a
A. V2-1;0. B. v2+1;0. C. 1; -1. D. 1;0.
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., . 2, A L3 N A . 4 . A N
@ Cau 28. Gia tri 16n nhat cia ham s6 y = 2sinx — §s1n3x trén [0;7] la

2 2v2
A. maxy=2. B. maxy=-. C. maxy=0. D. maxy:—\/_.
[0;7] [0;7] 3 [0;7] [0;7] 3
@ Cau 29. Gia tri nhé nhét ciia ham sb y = v2cos2x + 4sinx trén doan [0; g] 1a
A. m;Tny:4—\/§. B. m%ny:Z\/Q. C. mgly:\/i D. m%Tny:O.
0._ O._ 0._ 0._
[,2] [,2] [,2] [,2]
~ . . 2 £ ” < A e T T .
@ Cau 30. Gia tri nho nhat ctia ham s6 y = 5cosx —cosb5x véi x € [_Z’Z] la
A. min y=4. B. min y=3Vv2. C. min y=3v3. D. min y=-1.
i A . i
44 44 44 44
@ Cau 31. Ham s6 y =sinx + 1 dat gia tri 16n nhat trén doan [—g; g] bang
A. 2. B. g C. 0. D. 1.
@ Cau 32. Ham sb y = cos2x — 3 dat gia tri nhoé nhét trén doan [0;7] bang
A. 4. B. -3. C. -2 D. o.
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@ Cau 33. Ham s6 y = tanx +x dat gia tri nhé nhat trén doan [O;Z] tai diém c6 hoanh do

bang

A. 0. B. C. 1+§. D. 1.

/4
4.

(4 Céu\34. Trong sb cac hinh chit nhat ¢6 cung chu vi 16 c¢m, hinh chit nhat ¢6 dién tich 16n
nhat bang
A. 64 cm2. B. 4 cm2. C. 16 cm2. D. 8 cm2.

@ Cau 35. \Trong tat ca cac hinh chit nhat c6 cung dién tich 48 ¢m?, hinh chit nhat c6 chu vi
nho nhat bang
A. 16v/3cm. B. 4v3cm. C. 24 cm. D. 8v3cm.

@ Cau 36. Mot chat diém chuyén dong theo quy luat S = 6:2 - ¢3, van tbc v (m/s) ctia chuyén
dong dat gia tri 16n nhéat tai thoi diém ¢ (s) bang
A. 2 (s). B. 12 (s). C. 6 (s). D. 4 (s).
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@ Cau 37. Tam giac vudéng c6 dién tich 16n nhat 1a bao nhiéu néu téng ctia mot canh géc

vuong va canh huyén bang hiang s6 a (a > 0)?
AL B & c. 2 D
v - g -9 ‘35

@ Cau 38. Mot hop tac xa nudi ca thi nghiém trong ho. Ngusi ta thiy rang néu trén méi
don vi dién tich ctia mat ho ¢6 n con ca thi trung binh moi con ca sau mot vu can nang
P(n)=480-20n (gam). Hoi phai tha bao nhiéu c4 trén mot don vi dién tich ctia méit ho dé sau

mot vu thu hoach dude nhiéu gam c4 nhat?

A. 12. B. 24. C. 6. D. 32.

@ Cau 39. Do giam huyét ap ctia mot bénh nhan dude cho béi cong thitc G(x) = 0.025x2(30 —x),
trong d6 x 1a liéu luong thubc dude tiém cho bénh nhan (x duge tinh bing miligam). Liéu ludng
thubc can tiém cho bénh nhan dé huyét ap giam nhiéu nhét bing

A. 100 mg. B. 20 mg. C. 30 mg. D. 0 mg.

@ Cau 40. Sau khi phat hién mét bénh dich, cac chuyén gia y té wéc tinh s6 ngusi nhiém
bénh ké ti ngay xuat hién bénh nhan dau tién dén ngay thi t 1a 7 (¢) = 45t2 -3, t =0,1,2,...,25.
Néu coi £(¢) 12 ham s6 xac dinh trén doan [0;25] thi dao ham f/(¢) dudc xem 14 t6c d6 truyén
bénh (ngudi/ngay) tai thoi diém ¢. Xéac dinh ngay ma toc do truyén bénh 1a 16n nhat?

A. Ngay thu 19. B. Ngay thu 5. C. Ngay thu 16. D. Ngay thua 15.
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@ Cau 41. Gia tri 16n nhat M, gia tri nhé nhat m cia ham s6: y = 2sinx +2sinx -1 1a
-3 -3 3
A.M:—l;m:?. B. M=3;m=-1. C.M:3;m:7. D.M:§;m:—3.

@ Cau 42. Gi4 tri 16n nhat M, gia tri nhé nhat m cia ham sb y = 2cos 2x + 2sinx 1a
9 9 9
A.M:Z;m:—4. B. M=4;m=0. C.M:O;m:—z. D.M:4;m:—z.

@ Cau 43. Gi4 tri nho nhét cia ham sb6 y = (x+3)V-x2-2x+3 1a
A. 2. B. 1. C. 0. D. 3.

@ Cau 44. Gi4 tri16n nhat cia ham s6 y=vx—2+v4—x la
A. 2. B. 2. C. 3. D. -3.
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BAl4. DUONG TIEM CAN CUA HAM $O

@ TOM TAT LY THUYET

0 DPUONG TIEM CAN NGANG

Cho ham sb y = f(x) xac dinh trén mét khoang v6 han (1a
khoang dang (a;+00), (—o0o;b) hoac (—oo; +00)).
Puong thang y = yy la duong tiém can ngang (hay tiém
can ngang) cua do thi ham so y = f(x) néu it nhat mot
trong cac dieu kién sau dudc thoa man:
— Lim f(x)=yo.
x—_>+oo
— lim f(x)=yo.
X——00

Q DUONG TIEM CAN DUNG

Dudng thang x = xo dudc goi 1a dudng tiém can ding
(hay tiém can ding) cua do thi ham so y = f(x) néu it
nhat mot trong cac diéu kién sau théa man:

lim f(x) = +o0, lim f(x) = —o0, lim f(x)=—o0, lim f(x)=+o0
x—>x0 X

x—x§ x—x§ —Xy

fxar)
0]
y
. H M
Fea) -+
0] XM
X =X0

ax

V6i d6 thi ham phan thic dang y = -
cx

— Tiém can ngang la dudng thang y = 2
c

— Tiém cén ding 1a duong thang x = —i
c

b
+d (c #0;ad —bc #0) ludn co
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(® CACDANG TOAN

O Dang 1. Xdc dinh cdc dudng tiém cdn ciia ham phan thirc

Cho ham sé y = f(x) xdc dinh trén mot khodng dang (a;+00), (—o0;b) hodc (—oo;+00).
Duong thang y = yo la duong tiém cdn ngang (hay tiém can ngang) cua do thi ham so
y = f(x) néu it nhat mot trong cdac diéu kién sau dudc thoa man

Lim f(x)=yo; lim =yj.
X—+00 X——00

Néu c6 it nhat moét trong cdc gidi han sau xdy ra thi duong thang x = xo la duong tiém
can dung (hay tiém can dung) cua do thi ham so y = f(x).

— lim f(x) = +o0 — lim f(x) = —00
x—x] X2
— lim f(x)=-00 — lim f(x)=+o00
x—x] x—%x,
Vi du 1. Tim phuong trinh dudng tiém can ding va tiém can ngang ctia d6 thi ham
" 3x—2
SO y = .
YT o1
Loi giai:
You , N , N LN A P N > X . N A X+ 1
Vi du 2. Tim cac dudng tiém can ding va ngang cua do thi ham so y = ot
X~ —oX
Loi giai:
[ Dang 2. Poc phuong trinh dudng tiém cén dirng, ngang cGa dé thi ham sb tir
bdng bién thién
(D) T bing bién thién ciia ham sé y = f(x) quan sdt khi x dan tién vé +oo hodc —oco thi
y tien den mot gid tri yo. Khi do, ta khang dinh y = yy la tiém cdn ngang ctia do thi
ham so y = f(x).
(2 Tix bang bién thién ciia ham sb y = f(x) quan sdt khi x tién dén x, tic phia bén phdi
(x — x) hodc x tien den xo ti phia bén trdi (x — x;) thay y tien dén —oo hodc +oo ta
khang dinh x = xg la tiém can ding cia dé thi ham sé y = f(x).
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Vi du 1. Cho ham s6 y = f(x) c6 bang bién thién nhu sau.

—00 1 +00

-1 +00

y N G

—00 -1

Tim tiém can dung va tim can ngang cta do thi ham so?

Loi giai:

................................................................................................

You

Vi du 2. Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

Loi giai:

................................................................................................

@® TRAC NGHIEM

2x—3

@ Cau 1. D6 thi ham s6 y = il ¢6 cac dudng tiém can ding va tiém can ngang lan ludt

la

A. x=1vay=-3. B. x=2vay=1. C.x=1vay=2. D. x=-1vay=2.
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1-3x

Cau 2. D6 thi ham sb y = " ¢6 cac duong tiém can ding va tiém can ngang lan lugt
X

& e

A. x=-2vay=-3. B.x=-2vay=1. C. x=-2vay=3. D. x=2vay=1.

A U £ 2x -3 L R A A a <A A N
@ Cau 3. Do thi ham soy:ﬁco cac duong tiém can diung va tiém can ngang lan luct
x2 —3x
la
A. x=1x=2vay=0. B. x=1x=2vay=2.
C.x=1vay=0. D. x=1x=2vay=-3.
N N N % 1_3x2 . N R ~ , < Lea ~ N
@ Cau 4. Do thi ham soy:mco cac duong tiém can diung va tiém can ngang lan luct
X~ —0oX
la
A. x=3vay=-3. B. x=3vay=0. C. x=3vay=1. D. y=3vax=-3.
A NP £ 3x%+x+2 . N  n ~ . N ~ N
@ Cau 5. Do thi ham 80 y = ——5——— ¢0 cac dudng tiém can dung va tiém cin ngang lan lugt
x —
la
A. y=2vax=0. B. x=2vay=0. C. x=2vay=3. D. y=2vax=3.
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Z N £ 1 -
@ Cau 6. S6 dudng tiém can ctia d6 thi ham s6 y = 3 +2x 3
X
A. 4. B. 1. D. 2
2z 3 £ 1
@ Cau 7. S6 dudng tiém can ctia d6 thi ham s6 y = T 1a
X
A. 1 B. 3. C. 4. D. 2
~ A < ca ~ ” U ; x+1
@ Cau 8. S6 dudng tiém can ctia d6 thi ham s6 y = 5 4 la
x f—
A. 4. B. 2. C. 1. D. 3
2 Céu 9. 86 dubng tiém can clia b thi ham s6 y = ——— +«x 1a
X°—oX —
A. 4. B. 3. C. 2. D. 5.

p +2 2 .
@ Cau 10. Cho ham so6 y = e 3 khang dinh nao sau day la sai:
x—
A. D6 thi ham s6 c6 tiém can ding x = 3.
B. Ham s6 nghich bién trén R\ {3} .
C. D6 thi ham sb c6 tiém can ngang la y = 1.
D. D6 thi ham sb ¢6 tam d6i xting 1a 1(3;1).
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@ Cau 11. D6 thi ham s6 nao sau day c6 ba dudng tiém can?
1-2x 1 x+3 x
A. y= ) B. y= . C. y= .

YT 14« YT a2 Y hxr-1

x—9x4
k ] (3x2 - 3)°
Do thi ham so6 ¢6 tiém can ding, khong c6 tiém cian ngang.
B. D6 thi ham sb ¢6 2 tiém can ding, ¢6 1 tiém can ngang y = —3.
C. Db thi ham sb ¢6 2 tiém can ding, ¢6 1 tiém cin ngang y = —1.
D. D6 thi ham s6 khéng c6 tiém can ding, ¢6 tiém can ngang.

@ Cau 12. Cho ham s6 y = . Khang dinh nao sau day la khing dinh ding?
A.

@ Cau 13. D6 thi ham sb nao sau day khong c6 tiém can ding:

3x—-1 -1 vx+3 1
A. y= ) B. y=—. C. y= ) D.y=——.
Y x2+1 Y X Y x+2 Y x2-2x+1

@ Cau 14. D6 thi ham s6 nao sau day khong c6 tiém can ngang:

2x—3 Vat+3x2+7 3 3
A y= 2 B. y:L. C. y= . D.y=—-+1
x+1 2x—1 x2-1 x—2
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X s s P 3
@ Cau 15. D6 thi ham s6 y = 3i+
x=3. B. x=1. C. y=3. D. y=1.

5 c6 duong tiém can ngang la

5 ¢6 bao nhiéu duong tiém can?

@ Cau 16. D) thi ham s6 y = —

X+

A. 1. B. 2. C. 3. D. 0.
~ % N ‘A ~ ” X TN % 2x-1 N
@ Cau 17. S6 dudng tiém can ctia do thi ham s6 y = - o la
x4 —3x+2
A. 0. B. 1. C. 2. D. 3.

@ Cau 18. Cho ham s6 y = max +9 c¢6 do thi (C). Két ludn nao sau day ding ?

A. Khi m =3 thi (C) khong co dufong tiém can ding.

B. Khi m = -3 thi (C) khong c6 duong tiém can ding.

C. Khi m # +3 thi (C) ¢6 tiém can diung x = —m, tiém can ngang y = m.
D. Khi m =0 thi (C) khong c¢6 tiém can ngang.
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x+3

@ Cau 19. Tim tat ca ciac dudng tiém can ctia d6 thi ham sb y =

A. y=+1. B. x=1. C. y=1. D. y=-1.

© aX s -1 0
@ Cau 20. Vé6i gia tri nao cta m thi do6 thi (C): y = Zw: c6 tiém can ding di qua diém
x+m
M(-1;Vv2)?
2 1
A.ng. B. m=0. C.m:§. D. m=2.

mx+n

@ Cau 21. Cho ham s y = —
A(-1;2) dong thoi diém I(2;1) thudc (C). Khi dé gia tri cia m+n la

c6 d6 thi (C). Biét tiém can ngang cua (C) di qua diém

A. m+n=-1. B. m+n=1. C. m+n=-3. D. m+n=3.
. . Va2+1-
@ Cau 22. S6 tiém can ctia ham s6 y = xz Y 1a
x4—9-4
A, 2. B. 4. C. 3. D. 1.
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@ Cau 23. Gia tri ctia m dé dd thi ham sb y = x_—ml khong c6 tiém can ding 1a
mx —
A. m=0;m==+1. B. m=-1. C. m=+1. D. m=1.

N £ L. .1 2 VaZ+ 1+ Va3 +3x2+1 .
(4 24. So tiém can ctia ham so y = la

Cau
x—1
A. 3. B. 2. C. 1. D. 4.

. s ) 2_(2 2m -1
@ Cau 25. Xac dinh m d8 db thi ham sb y = ©—2m* 3)’; F2m =D 11 ong c6 tiém can diing,
=

A. m=-2. B. m=2. C. m=3. D. m=1.

3

@ Cau 26. Xac dinh m d€ d6 thi ham s6 y =
4x2+22m +3)x+m2 -1

dung.

c6 dung hai tiém can

13 3 13
A. m<——. B. -1<m<1. C. m>—-. D. m>-—.
12 2 12

x—1

@ Cau 27. X4c dinh m d€ do thi ham sb y = —
x24+2(m—1)x+m?2 -2

dung.

c6 dung hai tiém can
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3 3
A. m<§;m#1;m;é—3. B. m>—§;m;él.

C. m>——. D. m<-—.
2 2

@ Cau 28. S6 duong tiém can ctua d6 thi ham sé y = — la
x2 +
A. 2. B. 0. C. 1 . 3.
N A N N ~ N 2 .« 1s % 1—x2 N
@ Cau 29. So6 dudng tiém can ctia do thi ham s6 y = 5 la
x—
A. 0. B. 1. C. 3. . 3.
@ Cau 30. D6 thi ham sb y =x— vx2 —4x +2 ¢6 tiém can ngang la
A. y=2. B. y=-2. C. y=V2. cx=-2.
A A peA A > X . N A x2+x_2 N
@ Cau 31. So6 tiém can ctia d6 thi ham s6 y = ~ig la
X
A. 0. B. 1. . 3.
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~ A Len ~ N X N % x2+x_2 N
@ Cau 32. So6 tiém can cta d6 thi ham s6 y = Gi2? l1a
X+
A. 0. B. 1. C. 2. D. 3.
A A 1eA ~ > N <1 A x? -2 N
@ Cau 33. So6 tiém can ctia d6 thi ham s6 y = il la
x—
A. 1. B. 0. C. 3. D. 2.

p 2 p .
@ Cau 34. Cho ham s6 y = % (C). Co tat ca bao nhiéu diéem M thudc (C) sao cho khoang
x —

cach tit M dén tiém cin ngang bang 5 1an khoang cach tit diém M dén tiém can ding.
A. 4. B. 3. C. 2. D. 1.

A X . N A + 2 e N [N N -, N N N LN A
@ Cau 35. D6 thi ham s6 y = 3x 5 c6 dudng tiém can ding la x = a va duong tiém can ngang
X

12 y = b. Gia tri ciia s6 nguyén m nhé nhat théa man m =a +5 la
A. 0. B. -3. C. -1 D. -2.
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A N A 2x—3 . N g A N N R > - N
@ Cau 36. Choham so y= ;j (C). Goi M la diem bat ky trén (C), d 1a tong khoang cach tu
M dén hai dudng tiém can cua d6 thi (C). Gia tri nhé nhat cta d la

A. 5. B. 10. C. 6. D. 2.
@ Cau 37.
Do thi nhu hinh vé 14 ctia ham s6 nao sau day: 447
x—1 3—x x+2 x—2
A y="—, B. y= . C. y= : D. y=—2=. 31 \
Y x+1 Y x—1 Y x—1 Y x—1 2
—2>0 | 1 2 3 &
-2
R N P 2+x+1 , } . )
@ Cau 38. D6 thi ham s6 y = —————— ¢6 bao nhiéu duong tiém can?
—5x2-2x+3
A. 4 . C. 2. D. 1.
. s x X2=3x+2 ., . . ,
@ Cau 39. D6 thi ham so y = —5 7 ¢0 tat ca bao nhiéu dudng tiém can dung?
x —
A. 3. B. 1. C. o. D. 2.
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7z N £ 2 - 1
@ Cau 40. Tim s6 duong tiém can ctia do thi ham s6 y = 326+ T
x
A. 0. B. 2. C. 1. D. 3.
\ 2 Vbx2+x+1
@ Cau 41. D6 thi ham so y = VOX TX7 2 ¢6 bao nhidu duong tiém can dung va duong tiém
V2x—-1-x
can ngang?
A. 3. B. 1. C. 4. D. 2.

@ Cau 42. Cho ham sb y = f(x) ¢6 bang bién thién nhu hinh duéi. Héi d6 thi ham sb y = f(x)
c6 bao nhiéu duong tiém can?

x —00 -1 0 1 +00
Y + - 0 +
1| too +00 3
y/ / \ / /
—00 -2 —00
A. 3. B. 4. C. 2. D. 1.

N 2 +2
@ Cau 43. Db thi ham s6 y = ——~_ ¢6 bao nhiéu duong tiém can?
' V9 —x2 T
A. 2. B. 3. C. o. D. 1.
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2 N 2 V-x2+2
@ Cau 44. So dudng tiém can ctia do thi ham s6 y = x—+1x la
x —
A. 1. B. 2. C. o. D. 3.
@ Cau 45. S6 duong tiém can ctua d6 thi ham sé y = ;C - la
x2 +
A. 1. B. 2. C. 4. D. 3.

@ Cau 46. Téng sb dudng tiém can ding va tiém cin ngang ctia db thi ham sé y = = v .
X VaZ-1
bang
A. 2. B. 3. C. 4. D. 1.

vVx+3—-2

@ Cau 47. S6 dudng tiém can cta do thi ham s6 y = 57 1a
x —
A. 0. B. 3. C. 1. D. 2.

Suu tam va bién soan



4. PUONG TIEM CAN CUA HAM SO W GV: Doan Thinh

N . VaZ+x+1 ) .
@ Cau 48. Db thi ham s6 y= ~~ " * "~ ¢6 bao nhiéu duong tiém can?
x
A. 0. B. 3. C. 1. D. 2.
A e ; Vx-1+1 , . A . . . N .
@ Cau 49. D6 thi ham so y = ﬁ c6 tong so bao nhiéu duong tiém can ngang va
X —4ax —
diang?
A. 1. B. 2. C. 4. D. 3.
@ Cau 50.
Cho d6 thi mot ham s6 c6 hinh vé nhu hinh bén. Héi d6 thi trén c6 y
bao nhiéu duong tiém can?
A. 4. B. Khong c6 tiém can.
C. 2 D. 3.
(0] X
@ Cau 51.
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Cho db thi ¢6 hinh vé nhu hinh duéi day D6 thi ham s6 da cho 1a
do thi cia ham so6 nao?

2¢+1
A. y= B y= . C. y=
x—1 x—

w
&
—

_x+1
Cx-1

&

D. y

—
3
—

+

[uy

@ Cau 52. Cho ham sb y = f(x) xac dinh trén R\ {0}, lién tuc trén méi khoang xac dinh va cé

bang bién thién nhu sau

x —00 0 1

+00

Y - + 0 -

+00 2

-1| —oc0

SN N

Héi @6 thi ham sb trén c6 bao nhiéu dudng tiém can?
A. 0. B. 1. C. 2.

D. 3.

@ Cau 53. Cho ham sb y = f(x) xac dinh trén R\ {-1;1}, lién tuc trén moi khoang xéc dinh va

¢6 bang bién thién nhu sau

X —00 -1 0 +00
yl — — — —
-9 +00 +00
\
—00 —00 2

Hoéi khéng dinh nao duéi day 1a khang dinh ding?
A. Ham s6 c6 tiém can ding x=1vax=-1.
B. D6 thi ham sb ¢6 mét tiém can ding 1a x = 0.
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C. D6 thi ham sb c6 mot tiém can ding 1a x = -2 va mot tiém cin ngang y =1..
D. Db thi ham sb c6 hai tiém cin ngang 1a cac dudng thang y=-2va y=2.

@ Cau 54. Cho ham sb y = f(x) xac dinh trén R\ {1}, lién tuc trén méi khoang xac dinh va cé
bang bién thién nhu sau

x —00 1 +o00
y - 0 +
+00 10
y/ \ /
2| -3

S6 tiém can cta do thi ham sb da cho la
A. 1. B. 2. C. o. D. 3.

2x+1

@ Cau 55. Gia st dudng thang (d): x =a, (a > 0) cat d6 thi ham sb y = N tai mot diém duy

nhét, biét khoang céach tit diém dé dén tiém can ding cta d6 thi ham s6 bang 1; ki hiéu (xo; o)
14 toa do cta diém d6. Tim yo.
A. y():—l. B. y0:5. C. y():l. D. y0:2.

2z 2 - 2 4 4
@ Cau 56. Choham s6 y = x_23 (C). Goi M la diém bat ky trén (C), d 1a tong khoang cach tu
x —

M dén hai dudng tiém can ctaa d6 thi (C). Gia tri nhé nhat ctaa d 1a
A. 5. B. 10. C. 6. D. 2.
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BAI 5.

KHAO SAT SU BIEN THIEN VA VE DO THI HAM

@ TOM TAT LY THUYET

€) HAMSOBACBAY =AX?+BX?+CX +D (A£0)

— Tap xac dinh 2 =R.
— Tinh y' va cho y' =0 (y' =0 hodc c6 2 nghiém, hodc cé nghiém kép, hodc vé nghiém).
— Tinh cac giéi han xl_i)r+n f(x), ngl f(x).

— Lap bang bién thién
— Néu y' =0 ¢6 hai nghiém thi ddu caa y' 1a “Trong trai ngoal cung
0 c6 nghiém kép thi ddu caa y' 1a “Luén cung dau véi o’ > (ngoai tru
tai nghiém kep).
— Néu y' =0 v6 nghiém thi ddu caa y' 1a “Luén cung dau véi o”.
— Két luan
— Tinh chit don diéu cia ham sb.
— Cuc tri cia ham sb.
— Tinh y" va cho y” =0. Suy ra diém udn.

— Chon hai diém dac biét cta do thi.

- Néu y' =

s

— Vé db thi: D6 thi ¢6 6 dang va luén luén nhan diém ubn lam tam d6i xing.

/

y:

0

a>0

a<0

Co6 2 nghiém

\/

v

Co6 nghiém kép

V6 nghiém
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€ HAM SO TRUNG PHUONG Y = AX*+ BX2+C (A £0)

— Tap xac dinh 2 =R.
— Tinh y' va cho y' =0 (y' = 0 hodc co 3 nghiém, hodc co 1 nghiém va ludn cé nghiém
x=0).
— Tinh cac giéi han lirP f), lim f(x).
— Lap bang bién thién: “Bén phdi bing bién thién, ddu y' luén luén cung déu véi a”
— Ket luan
— Tinh chat don diéu caa ham so.
— Cuc tri caa ham so.
— Chon hai diém dac biét cia d6 thi.
— V€ d06 thi: Do thi ¢6 4 dang va luén luén nhan truc tung lam truc doi xing.

y'=0 a>0 a<0

C6 3 nghié
6 3 nghiém \ / /x /,\O /\ i

C6 1 nghiém \ ] / x ﬁ \ )

Q HAM S& NHAT BIEN v = 2X+8
CX+D

(C#0,AD-BC #0)

— Tap xac dinh @:R\{—g}.

C

ad—-bce
— Tinh y' = 2&70¢
Y = et d)2

— DPuong tiém can:

(y' hoac luén duong, hoac luéon am Vx € 2)

A A a < g 2 d . . <
— Tiém can ding la duong thangx=-—vi lim y=...va lim y=....

e (%)
2R 2 5 5 2 a . .. a
— Tiém can ngang la duong thang y=—vi lim y=—.
C xXx— 100 C

— Lap bang bién thién: Nhé: Khi x — +oo thi y — %
“Nghia la hai dau bdng bién thién la gid tri cia tiém cdn ngang”
— Két luan
- Ham s6 luén dong bién trén tiung khoang xac dinh hoac ludn nghich bién trén
tung khoang xac dinh.
- Ham s6 khong c6 cuc tri.
— Chon it nhat 4 diém déc biét cia do thi va phai c6 toa do giao diém cta do thi véi 2
truc toa do.
— V& d6 thi: D6 thi ¢6 2 dang va luén ludn nhan giao diém cta hai dudng tiém can lam
tam doi xding.
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ad—-bec>0 ad—-bc<0
y | Y |
;—,T"/,i,,,i ,,,,,,,,,,,,,,,,,,,,,, i ,,,,,,,,,,,

€ O ()Y =F(x)

Tt d6 thi (C): y = f(x) suy ra d6 thi (C"): y = f(|x]).
Ta ¢6 y = F(lxl) = f(x) Kkhix=0
acoy=flD=10 5 Khix<o
va y = f(|x]) 1a ham chdn nén do thi (C’) nhan Oy lam truc déi xing.
O Cach ve (C') tu (L X
— @it nguyén phan do thi bén phai Oy caa do thi (C): y = f(x).
— B6 phan d6 thi bén trai Oy caa (C), 1ay dbi xtimg phan d6 thi duoc gii qua Oy.

Yy
4t
o .
1 3 x 3 -1"1 3 «x
(C): y=x—6x+9x (C": y=1|x3—6x2 +9|x|

€© DOMHI(C): Y =1FX)

Tt d6 thi (C): y = f(x) suy ra do thi (C): y = |f(x)|.
f(x) khix=0
—f(x) khix<O0.
0O Cach ve (C') tu (C):
— Giw nguyén phan do thi phia trén Ox caa do thi (C): y = f(x).
— B6 phan d6 thi phia dudi Ox ctia (C), 1dy d6i xiing phan d6 thi bi bé qua Ox.

Tacoy=|f(x) =
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(C): y=x3+3x2-2

(C": y=|«x®+3x%-2|

E Véi dang y = |f(|x])| ta 1an ludt bién d6i 2 d6 thi y = f(|x|) va y = | (x)|.

@ o1 6 pHEP BIEN DOI DO THI

Cho ham s6 y = f(x) c¢6 do thi (C), hay suy ra do thi (C’) ciia ham sb6.

STT PO THI CACH VE
1 y=f(—x) Lay doi xing (C) qua truc Oy.
2 y=—f(x) Lay doi xtiing (C) qua truc Ox.
— Gi#  nguyén phan d6 thi
3 y=f(x]) bén phai Oy.
— Bé phan @6 thi bén trai Oy caa (C),
lay d6i xing d6 thi duoc giit qua
Oy.
— Gi# nguyén phan do thi
4 y =1f )] phia trén Ox cua do thi (C).
— B6 phan do thi phia duéi Ox cia
(0), 14y d6i xiing phan d6 thi bi
b6 qua Ox.
5 y=1f(xD Ta lan lugt bién d6i 2 do thi y = f(|x]) va
y=I1f )l
— Gi@ nguyén phan do thi trén mién
6 y = lulx)l-vlx) u(x) = 0 ctia db thi (C).
voL(C): y=ulx)-vlx) | Bs phan d@ thi trén mién u(x) <0
cua (C), lay doi xang phan do
thi bi b6 qua Ox.
7 y=fx)+p,p>0 Tinh tien d6 thi (C) 1én trén p don vi.
8 y=fx)-p,p>0 Tinh tien d6 thi (C) xuong duéi p don vi.
9 y=f(x+q),q>0 Tinh tien d6 thi (C) sang trai q don vi.
10 y=f(x-q),q>0 Tinh tién d6 thi (C) sang phai q don vi.
11 y=f(kx), k>1 Co do thi (C) theo chiéu ngang hé so k.
N N 1
12 y=f(kx),0<k<1 Gian do thi (C) theo chiéu ngang hé so6 7
13 y=kf(x), k>1 Gian do thi (C) theo chiéu doc hé so k.
14 y=kf(x),0<k<1 Co d6 thi (C) theo chiéu doc hé sb %
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— V& d6 thi y = |f(x)l.
— Tinh tién do thi 1én hoac xuong m
don vi.

15 y=|fx)+m

— Tinh tién d6 thi sang phai hoic
sang trai m don vi.

— Sau d6 vé nhu cach vé do thi y =
|f ()l

16 y=|f(x+m)|

— Tinh tién d6 thi sang phai hoic
sang trai m don vi.
— Sau d6 vé nhu cach vé do thi y =

f(x)).

17 y=1f(x|+m)l

— Vé d6 thi y = |f(x)!.
— Tinh tién do thi sang phai hoac
sang trai m don vi.

18 y=I1f(x+m|)l

€ TEpTuvEN

Cho ham sb6 y = f(x), ¢6 do thi (C). Phuong trinh tiép tuyén ctia d6 thi (C) tai diém Mo(xo;yo) €
(C) c6 dang

y = f(x0)(x — x0) + yo

Trong d6 diém M(xo; yo) € (C) dudc goi 1a tiép diém véi yo = f(xo) va k = f'(xo) 12 hé sb géc ctia
tiep tuyen.

© 1WOoNG GIA0 PO THI

Cho ham s6 y = f(x) ¢6 do thi (C1) va y = g(x) ¢6 do thi (Cs).
Phuong trinh hoanh d6 giao diém cua (C;) va (Cy) 1a f(x) = g(x) (1). Khi d6
(1) S6 giao diém cuiia (C1) va (Cg) bang s6 nghiém ctia phuong trinh (1).
(2) Nghiém x( ctia phuong trinh (1) chinh 1 hoanh d6 x( ctia giao diém .
(3) Dé tinh tung d6 y, cta giao diém, ta thay hoanh do xo vao y = f(x) hoic y = g(x).
(4) Diém M(xo;yo) la giao diém cta (C1) va (Cyg).

(® CACDANG TOAN

(D Dang 1. Khdo sat va vé dd thi cdc ham sé thudng gdip

4

Vi du 1. Khéo sat va vé do thi ham so y = —x* - x2 + 2.

Loi giai:
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................................................................................................

................................................................................................

b Vi du 3.

................................................................................................

................................................................................................
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[ Dang 2. Tiép tuyén clGa dd thi ham sb y = £(x) tai diém M(xo; yo)

(1) Viét phuong trinh tiép tuyén ciia do thi tai diém cé hoanh dé bang sé a.
— Goi M(xo;0) la tiép diém.
— Ta co x9 =a.
— Thé x = a vao phuong trinh y = f(x) tim dudc y,.
— Tinh f'(x) tw do tinh f'(xg).
— Phuong trinh tiép tuyén cia (C) tai diém M cé dang

¥y =30 = f(x0)(x — x0).

(2) Viét phuong trinh tiép tuyén ciia dé thi ham sé tai diém cé tung dé bang sé b.
— Goi M(xo;0) la tiép diém.
— Ta co yg =b.
— Thé y =b vao phuong trinh y = f(x) tic dé tim dudc xo.
— Tinh f'(x), tw dé tinh duoc f'(xp).
— Phuong trinh tiép tuyén cia (C) tai diém M cé dang

¥y =30 = f(x0)(x — x0).

Vi du 1. Cho ham s6 y = x% +3x2 ¢6 do thi (C). Viét phuong trinh tiép tuyén ctia do thi
(C) tai diém M(1;4).

Lai giai:

. .4 < .4 £ 5 NIRRT £ +2 .2 p
Vi du 2. Viet phuong trinh tiép tuyen cua do thi ham so y = 2x 1 tai diém co tung
do bang 1.

Loi giai:
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[ Dang 3. Tiép tuyén cla dé thi (C) biét hé sd géc cua tiép tuyén bdng &

— Got M (x0; yo) la ttep diém.

— Hé sb géc tiép tuyén bang k nén f'(xo) = k. Gidi phuong trinh nay ta tim dudc xo.
— Thé x¢ vao phLmng trinh y = f(x) tim dudc yo.

— Phuong trinh tiép tuyén ciia (C) tai diém M c6 dang

¥y =30 = f(x0)(x — x0).

You

Vi du 1. Cho ham s6 y = 2% —3x+2 c6 do thi (C). Viét phuong trinh tiép tuyén cta (C)
biet hé so goc cua tiep tuyen do bang 9.

Loi giai:

................................................................................................
................................................................................................

[ Dang 4. Tiép tuyén cla dd thi (C) biét tiép tuyén song song véi dudng théng
d:y=ax+b

— Goi M(xo;0) la tiép diém.

— Tiép tuyén song song vdi duong thing d: y=ax+b = f'(xo) = a. Gidi phuong trinh
ndy tim dudoc xo.

— Thé xo vao phucmg trinh y = f(x) tim dudc yy.

— Phuong trinh tiép tuyén cia (C) tai diém M c6 dang

y—y0 = f(x0)(x — xp).

Nhé kiém tra tinh song song clia tiép tuyén can tim dé'loai bé ddp dn. %

Vi du 1. Viét phuong trinh tiép tuyén ctia do thi ham s6 y = x* + 22 — 2 biét tiép tuyén
song song v6i duong thang y = —36x + 5.

Loi giai:

................................................................................................
................................................................................................
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d:y=ax+b

[ Dang 5. Tiép tuyén cla dd thi (C) biét tiép tuyén vudng géc véi dudong théng

— Goi M(xo;0) la tiép diém.

nay tim dudc xo.
— The xo vao phuong trinh y = f(x) tim dudc yy.
— Phuong trinh tiép tuyén ciia (C) tai diém M cé dang

¥ =0 = [ (xo)(x — x0).

. A A A ~ 4. N 2 1 e 5. N
— Tiep tuyén vudng goc vdi duong thang d: y=ax+b = f'(xg) = ——. Gidi phuong trinh
a

vuéng géc véi dudng thang y = —6x + 1.

, < A < < A A > A . N A 2 _2 < A < A A
Vidu 1. Viet phuong trinh tiép tuyen cua do thi ham so y = xT2 biet tiep tuyen
X

Loi giai:

............................................................................

............................................................................

............................................................................

............................................................................

............................................................................

¢ Caull.
DPuong cong hinh bén la do thi caia mot trong cac ham so sau, hoéi dé la
ham s0 nao?

....................

....................

....................

....................

....................

A, y=—xt+3x%+1. B. y=x3-3x2+1. /N

C. y=x*+3x2+1. D. y=x*-3x2+1. \/b \/ a
@ Cau 2.
Ham s6 nao trong bén ham s6 sau c6 bang bién _ * | —00 0 2 +00
thién nhu hinh vé sau? y' + 0 - 0 +

A, y=x3+3x2-1. B. y=x%®-3x+2. +00

2
C. y=x3-3x2+2. D. y=—x3+3x2-1. Yy / \ _
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@ Cau 3.
Do thi ham so nao sau day co6 hinh dang nhu hinh vé bén duéi? 147
A. y=2x3+3x. B. y=ux3-3x% - /
C. y=x3-3x. D. y=x3+3x2 1 2 *
I\
4 1\ |
@ Cau 4.
y

Puong cong 6 hinh bén 1a d6 thi cia mét trong bon ham sbé duéi
day. Ham s6 dé 1a ham s6 nao?

A, y=2x*—x2-1. B. y=—x*+x2-1.

C. y=x3-22-1. D. y=-3x3+x2-1.

@ Cau 5.

Puong cong & hinh vé bén 1a d6 thi cia ham sb nao trong s6 bén ham

s6 sau day?
A. y=x3-3x2+2.
C. y=-2x3+322-1.

B. y=-x*+2x2+2.
D. y=x*-2x%2-2.

\ |

N
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@ Cau 6.
Puong cong trong hinh dudi la do thi cia ham so nao sau day?
+1
A.y:x—. B. y=—x*+2x2-1.
x—1 1
x_
C. y=x3-3x+2. D. y="—.
yEXTox YT e+

2y

H oo w e

@ Cau 7.
Puong cong hinh duéi 14 d6 thi ctia ham sb nao dudi day?

+1
A, y=x3-3x2+2. B. y:x—.

i1
C. y=x*-2x2-1. D. y:x—.

X+

447
/ .|
91
1
— —
-4 -3 -2 —}Cl) /1 2
L/

@ Cau 8.

Biét riing bang bién thién sau la bang bién thién cta mot
ham s6 trong cac ham sb6 dudc liét ké & cac phuong an A, B,
C, D duéi day. Héi ham s6 dé 13 ham s6 nao?

2x+5 x—3

A. y= . B. y= .
’ ahgy ’ 521
x+ x—

C. y="—. D. y= .
Y x—2 Y x+2

X | —o0 2 +00
y/ — —_
1 +00
y . .
—00 1
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@ Cau 9.

Bang bién thién & hinh duéi 1a ciia mot trong bén ham sb

dugc liét ké duéi day. Hay tim ham sé dé.

X | —00 -1 +00
y' + +
—92%—3 -x+1 +00o 2
A. y= . B. y= .
| YT y | 7
2x—3 2x+3 9 _
Y= . D. y= . o0
x+1 -1
@ Cau 10.
Puong cong trong hinh bén la do thi cia mot trong bon ham so6 nao Y
sau day? o
A, y=x3+22%—x—1. B. y=—-x*+2x2 ! !
= x%—9x2 — 42 —f e
C. y=x*-2x". D. y=—x“+2x. YT Ty x
_1 4
-2 +

@ Cau 11.

A y==x3-x2-2.

Puong cong nhu hinh bén 14 d6 thi ctia ham sb nao sau day?
1
B. y=x%-3x%2+3.
C. y=2x3+3x+2.

D. y=-3x3+2x2+2.

@ Cau 12.
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Hinh bén 1a d6 thi cia ham sb nao? Y
A, y=x3-3x2+1. B. y=—x*+2x2+1. /
x+2 x—1
C. y=—:. D. y=——.
Y x+1 Y x+1
0 x
@ Cau 13.
Biet rang do thi cho ¢ hinh vé dudi day la do thi cia mot trong 4 ham 5 4
so0 cho trong 4 phuong an A, B, C, D. P6 la ham s0 nao? 4l
A. y=2x3+9x%-11x+3. B. y=x%—-4x2+3x+3.
3_a.2 3_r.2 3
C. y=2x°—-6x“+4x+3. D. y=x°-5x“+4x+3. )
1
0]
¢ Cau 14.
Do thi hinh dudi day la cia ham so nao? 2,47
A v —x+2 B. v= % 1\
" E x+11' .y_x~2|rl 1 \
—_ + j— + + + + D
C. y=_2 D. y=_2 4 -3 2 ho| 1w
x+1 2x+1 1
=2 +
_3 +
4 +
@ Cau 15.
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Ham so nao sau day c6 bang bien thién nhu hinh vé

X | —00 2 +00
2x -5 2x—1 ! - -
A y= o B. y= o y
2x—23 x—32 2 +00
- +
C. y= 9 D. y:x . Y W N
x+2 x—2 —00 2
@ Cau 16.

Puong cong trong hinh vé duéi day 1a d6 thi ham s6 nao?
A, y=—x*—4x2+1. B. y=x3+3x+1.
C. y=—x3+3x-1. D. y=x%-3x+1.

@ Cau 17.

Puong cong trong hinh sau la d6 thi ciia ham s6 nao?
A, y=x*+2x2-3. B. y=x*-2x2-3.
C. y=—x*-2x2+3. D. y=—x*+2x2+3.

@ Cau 18.
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Ham s6 nao sau day c6 bang bién thién nhu hinh % |-o© 0 2 +00
Ve y' + 0 - 0 +
A. y=x3-3x2+2. B. y=x%-3x2-2. 2 +00
C. y=—x3+322-1. D. y=x%+3x2-1. Y / \ /
—00 -2
@ Cau 19.
Xéc dinha, b, ¢ 48 ham s6 y = — ¢6 db thi nhu hinh vé bén. Chon 5%
x+c
dap an dung? 41
A.a=2b=1,c=-1. B. a=2,6=1,c=1. 31
C.a=2,b=2,c=-1. D.a=2,6=-1,c=1. g
\1\
-2 -10 \JL 2 3 &
@ Cau 20.
Puong cong hinh bén 1a d6 thi ciia ham sb nao sau day? 447
A. y=—xt+4x2 B. y=3x*-x2+1. 31
C. y=2xt+x2 D. y=x2 9]
1 4
EEIREE
@ Cau 21.
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Puong cong & hinh bén 1a d6 thi ctia mot trong bon ham sé dudi day. 347

Ham s6 dé 12 ham s6 nao? 9
A, y=-x3+3x2+2. B. y=x3-3x2+1. |
C. y=x3-3x2+2. D. y=x3+3x%2+2.

-2 -10 W3 4
1" |
2< 777777 :

@ Cau 22.
Bang bién thién sau la cta ham sb6 X | =% -1 0 1 +00
nao? y' - 0 + 0 - 0 +
A, y=x*-2x2+1. +00 -1
B. y=—-x*+2x2-1. y ~ _— T~ _—
C. y=x*-222-1. -2 -2
D. y=x*-x2-1.

@ Cau 23.

Bang bién thién sau day la ca ham s nao? X |—00 0 2 +00
A, y=—x3+6x-2. y' - 0 + 0 -
B. y=-3x3+9x2-2. +00 6
C. y=2x%-3x2+2x-2. y \ / \

D. y=-2x3+6x2-2. —2 —00

@ Cau 24.

108 Suu tam va bién soan



5. KHAO SAT SU BIEN THIEN VA VE DO THI HAM SO ¥ GV: Doan Thinh

2 -b X 1 . < 1A e A A
Cho ham s0 y = ax ¢6 do thi nhu hinh vé bén duéi. Ménh deé 447
x—
nao dudi day dung? 31 \
A. b<0<a. B. a<b<0. 91
C. a<0;b<0. D. 0<b<a. 4
T : >
—2\(2\0 1 2 3 &
_2 \
@ Cau 25.
Ham so nao dudi day co6 do thi nhu hinh vé bén. Y
A. y=x2+3. B. y=-x2+3.

C. y=—x*-2x2+3. D. y=—x*+3. /\

@ Cau 26.

Ham s6 trung phuong nao dudi day c6 d6 thi nhu hinh vé bén. Y
A, y=x*+2x2-4. B. y=x*-242-4.
C. y=x*+2x2+4. D. y=-x*-242-4.
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Puong cong bén dudi 1a d6 thi cia ham sb6 nhat bién nao dudi

@ Cau 27.
day?
x_
Ao -
el
X
Cy=13

_x+4

L] y_x§104
—2x +

D. y= e
x+3

@ Cau 28. Cho ham s6 y = f(x) c6 bang bién thién nhu hinh bén. Pudng cong nao dudi day la
do thi cia ham so0 y = f(x)?

+00
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C D.
@ Cau 29.
Cho ham s6 y = ax® + bx? + cx +d (a,b,c,d € R) c6 do thi nhu hinh Y
vé bén. Ménh dé nao sau day ding:

A. a>0,b<0,c>0,d>0. B. ¢a<0,6>0,c>0,d<0.

C. a<0,6>0,c<0,d <0. D. a<0,6<0,c<0,d<0.

\7 |

@ Cau 30.
Cho ham s6 y =x3 + bx?+d (b,d € R) ¢6 d6 thi nhu hinh vé bén. Ménh Y

dé nao sau day dung?
A. b<0,d>0. B.b>0,d>0. C.b=0,d>0. D. b>0,d=0.

[
/
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@ Cau 31.

Cho ham sb y = ax® + bx2 + cx +d,(a,b,c,d € R) ¢6 d6 thi nhu hinh
vé bén. Ménh dé nao sau day dung?

A b2—3ac>0. B. b2—3ac<0. /\
ac>0 ac>0
C. {b2—3ac<0. D. {bZ—3ac>O. _ g
ac=0 ac=0 \/
@ Cau 32.

Cho ham s6 trung phuong y = ax*+bx2 + ¢ (a # 0) ¢6 d6 thi nhu hinh vé
bén. Chon ménh dé ding.

A. a>0,b>0,c>0. B. ¢<0,6<0,c<0.
C. a<0,b>0,c>0. D. a<0,6<0,c>0.
o) x
@ Cau 33.
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< +b X L1 N ~ 1A
Cho ham so y = ax+d (a,b,c,d €R) ¢6 do thi nhu hinh vé bén.
CcX
Ménh dé nao sau day dung?
A. a>0,b<0,c>0,d>0. B. 0a<0,6<0,c>0,d<0.
C. a>0,6>0,c<0,d>0. D. a<0,6<0,c<0,d <0.

@ Cau 34.

Cho ham sb tring phuong y = ax*+bx”+c (a #0) c6 d6 thi (C) nhu hinh
vé bén. Biét rang AB = BC = CD. Chon ménh dé dung.
A. 962=100ac. B. b2=100ac. C. b%=ac. D.a=b=c.
c
DX
@ Cau 35.
Cho ham s6 y = f(x) xac dinh, lién tuc trén R va c¢6 d6 thi nhu hinh bén. Y
D6 thi nao dudi day 1a @6 thi ham sb y = £(|x|)? /\ /
(0] X

y L
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y \
0 x
C o D
@ Cau 36.
Cho ham sb y = f(x) ¢6 d6 thi nhu hinh vé bén. Pudng cong nao duéi day la y
d6 thi cta ham sb6 y = |f(x)|?
Vol \/ =
y Yy
A Vol B. 0 X
y \ y /
0 x
C 0 x D
==============TIﬁP TUYﬁN e

@ Cau 37. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = x% — 3x% + 1 tai diém A(3;1) 1a
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A. y=-9x-26. B. y=9x-26. C. y=-9x-3. D. y=9x-2.
@ Cau 38. Phuong trinh tiép tuyén ctia do thi ham s6 y = x* — 422 + 1 tai diém B(1;-2) 1a
A. y=4x+6. B. y=4x+2. C. y=—-4x+6. D. y=-4x+2.

2 7z N . N A - 1 . P N
@ Cau 39. Phuong trinh tiép tuyén cta d6 thi ham soy = % tai diem C(-2;3) la
x
A. y=2x+1. B. y=-2x+7. C. y=2x+71. D. y=-2x-1.

@ Cau 40. Tiép tuyén cta d6 thi ham sb y = —x3 + 3x— 2 tai diém D c6 hoanh d6 bang 2 c¢6
phuong trinh la
A. y=-9x+14. B. y=9x+14. C. y=-9x+22. D. y=9x+22.

@ Cau 41. Tiép tuyén ctia d6 thi ham s6 y = —x* + 842 tai diém E c¢6 hoanh d6 bang —3 c6
phuong trinh la
A. y=60x+171. B. y=-60x+171. C. y=60x+189. D. y=-60x+189.
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i — tai diém F c6 hoanh ¢ biing 2 ¢6 phuong

@ Cau 42. Tiép tuyén ctia d6 thi ham s6 y =
trinh la
A. y=—x+5. B. y=x+5. C. y=—x-1. D. y=x-1.

@ Cau 43. Tiép tuyén cta d6 thi ham sb y = 2x3 + 3x2 tai diém G c¢6 tung d6 bang 5 ¢6 phudng
trinh la
A, y=12x-17. B. y=-12x-17. C. y=12x+17. D. y=-12x+17.

@ Cau 44. Tiép tuyén ctua do thi ham sb y = x* +2x2 - 3 tai diém H c6 tung d6 bang 21 c6
phuong trinh la
y=40x—-101 B. y=40x—-59 C. y =40x+59 D. y =—-40x—-59
y=-40x-59 y=-40x-101 y=-40x+101 y=40x+101

< P N £ +2 . N
@ Cau 45. Tiép tuyén ctia do thi ham s6 y = 2x 1 tai diem I c¢6 tung d6 bang 1 c6 phuong

trinh la 8 1 5 - 1 g 1 9
A y=-x+2. B. y=-—x-2. C. y=—2x+o. D. y=-x-2.
Y=5%"5 Y=7g% Y="5**5 V=575
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Cau 46. Tiép tuyén cta do thi ham sbé y = 23— 3x2 -2 ¢6 hé sb géc & = —3 ¢6 phuong trinh

& e

A, y=-3x-T. B. y=-3x+7. C. y=-3x+1. D. y=-3x-1.

A < A A - X . N A ]- e N A , M , <
@ Cau 47. Tiép tuyén ctia do thi ham so y = —Zx“ +2x2 c6 hé so géc bang —48 c6 phuong trinh

la
A. y=-48x+192. B. y=-48x+160. C. y=-48x-160. D. y=-48x-192.

~ 3 N 4 £ , NIRRT 7 +3 ..z, L.k 7 L 1A A
@ Cau 48. Viét phuong trinh tiép tuyén ctia do thi ham so y = 316— biet tiep tuyen co6 hé so
—x

géc bang 4.
y=4x-3 y=4x-3 C y=4x+3 D y=4x+3
y=4x+13 T ly=4x-13 T ly=4x+13° T ly=4x-13"

@ Cau 49. C6 bao nhiéu tiép tuyén ctia do thi ham sb y = —x° +2x2 song song véi dudng thang
y=x?
A. 2. B. 1. C. 3. D. 4.
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@ Cau 50. Tiép tuyén song song véi duong thang y = —36x +5 ctia d6 thi ham s6 y = x* +x2 -2
c6 phuong trinh la
A. y=-36x—-54. B. y=-36x+54. C. y=-36x-90. D. y=-36x+90.

@ Cau 51. Cho ham y= —**°
x+2

¢6 do thi 1a (C). Viét phuong trinh tiép tuyén cta (C) sao cho

A A 2 4o < 2 1 5
tiép tuyen do6 song song véi duong thangd:y:—§x+§.
1 +5 1 N 5
y:——x —_ y:__x —_—
7 7 7 7 1 23 1 23
A. 1 23" B. 1 23 C. y——ax—7. D. y——§x+7.
y=—=Xx—— y:——x+—
7 7 7 7

@ Cau 52. Cho ham y = 2x% —3x—1 ¢6 d6 thi 1a (C). Tiép tuyén ctia do thi (C) vudng géc véi
duong thang x+21y—2 =0 c6 phuong trinh la:
1

A y=g1%33 g |Y="21x-33 . [y=21x-33 b y=op%—33
) 1 ‘ T ly=-21x+31 T ly=21x+31 ) -1 ‘
= —x+31 Y = —x+31

Y= o1” TR

@ Cau 53. Tiép tuyén ctia do thi ham sb y = —x* —2x2 + 3 vudng géc véi dudng thang x — 8y +
2017 =0 c6 phuong trinh la
1

1
A. y:—§x+8. B. y=8x+8. C. y=-8x+8. D. yzgx—&
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A ~ < A A o X . N A 2 _2 <A <A A A , 4
@ Cau 54. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = x+ 5 biet tiep tuyeén vuodng goc vii
X
duong thang y=—-6x+1la
1 N 1 1 N 1
11 1 Y="%""3 Y763
A. y—6x+§. B. y—gx—l. C. 1 . D. 1 13-
y=——=x-1 y:gx+?

@ Cau 55. C6 bao nhiéu tiép tuyén ctia d6 thi ham sb y = x* — 4x? tai giao diém cta d6 thi véi
truc Ox?
A. 4. B. 2. C. 1. D. 3.

@ Cau 56. Cho ham sb y = —x%+3x -2 ¢6 d6 thi (C). Tiép tuyén cua do6 thi (C) tai giao diém
cua (C) véi truc hoanh c6 phuong trinh la
=0 =0
A. y=-9x-18. B. Y . C. y=-9x+18. D. Y .
y=-9x-18 y=-9x+18

@ Cau 57. Goi d la tiép tuyén ctia dd thi ham sb (C): y = —

5 .. .2 . N
1 tai giao diém A cuaa (C) va

truc hoanh. Khi d6, phuong trinh ctia duong thing d 1a
N B . Ll B c oy 1.5 D oy L5
S Y=g S Y=g S Y= gEto S Y= ogxt
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@ Cau 58. Tai giao diém cta do6 thi ham s6 (C): y = 2x® —6x + 1 va truc Oy ta lap dudc tiép
tuyen co6 phuong trinh la
A. y=6x-1. B. y=-6x-1. C. y=6x+1. D. y=—-6x+1.

A ~ < A A o A . N A 1 . . g
@ Cau 59. Phuong trinh tiép tuyén ctia do thi ham s6 (C): y = —Zx“ +3x2 -2 tai giao diém M

cua (C) véi truc tung la

y=-2
A. . B. y=2. C. y=-2. D. .
y:2 y:()

y=-2

2x+1

@ Cau 60. Goi d 1a tiép tuyén cta do thi ham s6 (C): y = 3 tai giao diém A cta (C) va truc

tung. Khi d6, phuong trinh ctia dudng thang d 1a
7 7 1

71 71
A y=-tx-T. B. y=—tx+=. C.y——tx-1. D. y=-tx+-.
Y=9% 73 V=793 Y=T9% 3 Y=9% "3

3

@ Cau 61. Tiép tuyén cta d6 thi ham s6 (C):y = % —2x% +3x + 1 song song véi dudng thang

y =3x+2016 c6 phuong trinh la

2 2 =3x8 2

=8x—— =8x—— Y =3x+—

A |77 s, B. |77 s, C. 9. D. |73,
y=3x-8 y=3x+8 y=3x+§ y=38x+8
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3
@ Cau 62. Tiép tuyén tai diém cuc tiéu ctia do thi ham s6 y = % —2x2+3x—5 sé

A. song song véi dudng thang x = 1. B. song song véi truc hoanh.
C. c6 hé so goc duong. D. c6 hé so goc bang .

7z Z P £ 2 4 2
@ Cau 63. Phuong trinh tiép tuyén véi d6 thi ham s6 y = _xl tai diém c6 tung do bang 3
x_
la
A. x-2y-7=0. B. x+y-8=0. C. 2x—-y-9=0. D. x+2y-9=0.

@ Cau 64. Cho duong cong (C) : y = x% — 3x2. Viét phuong trinh tiép tuyén cta (C) tai diém
thuoc (C)va ¢6 hoanh do xo=-1.

A. y=-9x+5. B. y=9x+5. C. y=9x-5. D. y=-9x-5.
@ Cau 65. Phuong trinh tiép tuyén ctia d6 thi ham sb y = 3x® —x2—7x+1 tai diém A(0;1) 1a
A, y=x+1. B. y=-7Tx+1. C. y=1. D. y=0.

@ Cau 66. Cho ham s6 y = x®—3x2+1 c6 do thi (C). Khi d6 phuong trinh tiép tuyén ctia do thi
(C) tai diém c6 hoanh do6 bang 5 1a

121 Suu tam va bién soan



5. KHAO SAT SU BIEN THIEN VA VE DO THI HAM SO ¥ GV: Doan Thinh

A. y=-45x+276. B. y=-45x+174. C. y=45x+276. D. y=45x-174.

@ Cau 67. Cho ham s6 y = x® —3x2+6x+1 ¢6 do thi (C). Trong cac tiép tuyén cua (C), tiép
tuyen c6 hé so géoc nho nhat c6 phuong trinh la
A. y=-3x+2. B. y=3x+2. C. y=-3x+8. D. y=3x+8.

@ Cau 68. Cho ham s6 y = —x3 +6x2+3x—1 ¢6 d6 thi (C). Trong cac tiép tuyén caa (C), tiép
tuyen co hé so goc 16n nhat c6 phuong trinh la
A. y=15x+55. B. y=-15x-5. C. y=15x-5. D. y=-15x+55.

@ Cau 69. Cho ham s6 y = 2% +x+1 c¢6 d6 thi (C). Khang dinh nao sau day la khang dinh
sai?

Ham s6 luén dong bién trén R.

Trén (C) ton tai hai diém A(x1;y1), B(x2;y2) sao cho hai tiép tuyén cta (C) tai A va B
vuong goc.

Tiép tuyén cia (C) tai diém c6 hoanh d6 bang 1 c¢6 phuong trinh 1a y =4x—1.

. D6 thi (C) chi cat truc hoanh tai mot diém duy nhét.

'S

o 0
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@ Cau 70. Puong thing y = ax—b tiép xuc véi d6 thi ham sb y = 23 +2x2 —x+2 tai diém M(1;0).
Khi d6 ta co
A. ab=36. B. ab=-6. C. ab=-36. D. ab=-5.

@ Cau 71. Cho ham sb y =% —x2+2x+5 ¢6 d6 thi (C). Trong cac tiép tuyén cta (C), tiép tuyén
c6 hé so goc nho nhat, thi hé so goc caa tiep tuyen do la

Al B. 2. c. D. 2
3 3 3 3
E=mm==mmm=m==== TUONG GIAO D6 THI ===

@ Cau 72. S6 giao diém cta d6 thi ham s6 y = —x* +2x2 — 1 v6i truc Ox 1a
A. 3 B. 1. C. 2. D. 4.

@ Cau 73. S6 giao diém ctia d6 thi ham sb y = (x + 3)(x% + 3x + 2) véi truc Ox 1a
A. 1 B. 3. C. 0. D. 2.

u 74. S6 giao diém cta do6 thi ham s6 y = 2% — 2x% + x — 12 va truc Oxla
A. 2. B. 1. C. 3. D. 0.
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@ Cau 75. Puong thang y =x—1 cat d6 thi ham sb y = Y72 tai cac diém c6 toa d6 1a

+
A. (0;2). B. (-1;0);(2;1) . C. (O;—xl);(2;1). D. (1;2).

X . 2 < N 2 . 2 - 2 ~ A TN
@ Cau 76. Do thi (C):y= x+ 1 cat duong thang d : y = 2x — 3 tai cac diém co toa do la
x

1 1 3 1
A. (2;-1); (—5, -2). B. (2; D) (—5, -4). C. (-1; -5); (5, 0). D. (5, -2).

@ Cau 77. D6 thi ham sb y = 2x* + x3 + x2cat truc hoanh tai may diém?
A. 2 B. 3. C. 1. D. o.

@ Cau 78. Cho ham s6 y = 2x% —3x% + 1 ¢6 d6 thi (C) va duong thang d:y = x— 1. S6 giao diém
cua (C)vad la
A. 0. B. 1. C. 2. D. 3.
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A P . ” N 2 x%—4x+3 N < <
@ Cau 79. So6 giao diém cta d6 thi ham so y = iz va truc hoanh la
X
A. 0. B. 1. C. 3. D. 2.

u 80. S6 giao diém ctia do thi ham s6 y = (x — 1)(x2 — 3x +2) va truc hoanh 1a
A. 0. B. 1. C. 3. D. 2.

. . 2_2x-3 .
@ Cau 81. Giao diém gifta dd thi (C):y="——-—" va dudng thing (d):y=x+11a

A. A2;-1). B. A(0;-1). C. A(-1;2). D. A(-1;0).

@ Cau 82. Cho ham s6 y = x* —4x%2 —2 ¢6 d6 thi (C) va d6 thi (P): y =1—x2. S6 giao diém cuaa
(P) va do thi (C) 1a
A. 1. B. 2. C. 3. D. 4.

@ Cau 83. Cho ham sb y = —

x+
(C)yvadla
A. 2 B. 1. C. 3. D. o.

il ¢6 d6 thi (C) va duong thang d : y = 2x — 3. S6 giao diém cta
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@ Cau 84. Toa do giao diém giita db thi (C): y = =~ 5 va dudng thing d :y=x-21a

A. A(-1:-3): B3:1). B. A(1:—1): B(0:~2) .
C. A(-1;-3); B(0;-2). D. A(1;-1); B(3;1).

2¢—1

@ Cau 85. Chohamsb y= il c¢6 d6 thi (C) va dudng thing d: y = 2x—3. Pudng thing d cat

X+
(C) tai hai diém A va B. Khi d6 hoanh db trung diém I ctia doan thang AB la
4 3 3 4
A, xj=-. B. x;=—-. . Xp=-—. D. x;=—-.
X7 3 XJ 1 C. x1 2 X7 3

@ Cau 86. Toa d6 trung diém I ctia doan thang MN véi M,N la giao diém ctua dudng thang
N e s % 20+2
d:y=x+1va do thi ham so (C):y = ad il la

A. I(-1;-2). B. I(-1.2). C. I(1;-2). D. I(1;2).

2x +4

@ Cau 87. Goi M,N la hai giao diém cta dudng thang d:y=x+1va (C):y= T Hoanh do6
.
trung diém I ctia doan thang MN la
A. 2. B. 1. C. é D. —§.
2 2
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@ Cau 88. D6 thi ham s6 y = 2x* —x% + 2 cat dudng thang y = 6 tai bao nhiéu diém?
A. 2 B. 0. C. 4. D. 3.

tai cac diém co6 toa do la

@ Cau 89. Tiém can ngang ctia do thi ham s6 (H):y = —— cat d6 thi ham s6 (C) : y = 2x* — x2
X
A. (1;1);(-1;1). B. (1;1).

C. (-1;1).

D. (0;1).

ca cac gia tri tham so m théa man la
A. m>1.

@ Cau 90. D6 thi ham sb6 y = x® —3x2+1 cat duong thang y = m tai ba diém phan biét thi tit
B. 3<sm=<1.

C. 3<m«<1. D. m<-3.
@ Cau 91. Duong thing y = m khong cat d6 thi ham sb y = —2x* + 4«2 + 2 thi tat ca cac gia tri
tham s6 m la

A. m>4. B. m=>4. C. m=<2. D. 2<m<4.
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@ Cau 92. Vdi tat ca gia tri nao cia tham s6 m thi phuong trinh x*—2x2 = m +3 ¢6 bén nghiém

phéan biét?
A. me(-4;-3). B. m=-3hoacm=-4.
C. me(-3;+00). D. m € (—o0;-4).

@ Cau 93. Tat ca gia tri ctia tham s6 m dé phuong trinh x° —3x—m +1 =0 c¢6 ba nghiém phan
biét la

A. -1<m<3. B. -1=m=<3.

C. m=1. D. m < -1 hoac m > 3.

@ Cau 94. Tit ca gia tri ciia tham s6 m dé€ @6 thi (C): y =% —3x%2+2 cat duong thing d:y=m
tai ba diém phan biét 1a
A. 2<m<0. B. 2<m<2. C. 0<m<1. D. 1<m<2.

@ Cau 95. Tat ca gia tri ctia tham s6 m d€ @6 thi (C): y = x* —2x2—3 cat duong thang d:y=m
tai bon diém phan biét 1a

A. -4<m<-8. B. m<—4. C. m>-3. D. —4<m<—g.
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@ Cau 96. Cho ham sb y = x*—4x2 -2 ¢6 @6 thi (C) va dudng thing d : y = m. Tat ca cac gia tri
ctia tham so m dé d cat (C) tai bon diém phan biét 1a
A. 6=m=-2. B. 2<m<6. C. -6<m<-2. D. 2<m<6.

@ Cau 97. Tat ca céc gia tri cia tham s6 m dé phuong trinh x* — 3x2 + m = 0 ¢6 bén nghiém
phéan biét 1a
13 9 9 13

A.1<m<z. B.O<m<1. C. _Z<m<0' D. —1<m<Z.

@ Cau 98. Cho ham s6 y = —x*+2x2 +m. T4t ca gia tri cia tham s6 m d€ d6 thi ham sb da cho
cat truc hoanh tai it nhit ba diém phan biét 1a
A. O0<m<]1. B. -1<m=<0. C. -1<m<0o. D. -1=m<0.

@ Cau 99. Tat ca gia tri cia tham s6 m d€ phuong trinh x* —2x2 —m +3 = 0 ¢6 boén nghiém
phéan biét 1a
A. 2<m<3. B. 2=m<3. C. m=2. D. m>2.

@ Cau 100. Tat ca gia tri cia tham sém dé phuong trinh x* —2x2 —m +3 = 0 ¢6 hai nghiém
phéan biét 1a
A. m>3. B. m=3. C. m>3hoacm=2. D. m=3hoacm=2.
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@ Cau 101. T4t ca gia tri cia tham sbé m dé do thi ham sb y = —2x* +2x2 + 1 cat dudng thang

y =3m tai ba diém phan biét 1a
1 1 1

A.gSmsé. B.mzz. C. m=-—-. D. m=

W =

@ Cau 102. T4t ca gia tri cia tham s6 m dé @6 thi ham s6 (C): y = —2x3 + 3x2 + 2m — 1 cit truc
hoanh tai ba diém phan biét 1a

1 1 1 1
A, —<sm< =, B. —<m<-=-. C.0<m<1. D.OSmSl.
4 2 2 2 2 2
@ Cau 103.

Tim tat ca cac gia tri ciila tham s6 m dé phuong trinh x3—3x%2+4+m =0 ¢6
nghiém duy nhat 16n hon 2. Biét rang do thi cia ham s6 y = —x3 +3x2 -4

14 hinh bén. 1/2\3 £
A. m>0. B. m<-4.
C. m<—4. D. m <-4 hoac m =0.

@ Cau 104. Tat ca gia tri cta thm s6 m d€ phuong trinh x3 —3x—m +1 =0 ¢6 ba nghiém phan
biét, trong do6 c6 hai nghiém duong la
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A, -1=sm<1. B. -1<m<1. C. -1<m«<3.

D. -1<m<1.

@ Cau 105.

Cho ham sb y = —2x3 +3x2 -1 c6 @6 thi (C) nhu hinh vé. Dung d6 thi
(C)suy ra tat ca gia tri tham s6 m dé phuong trinh 2x3—3x2+2m = 0(1)
c6 ba nghiém phan biét 1a

1
A.O<m<§. B. -1<m<0. C.0=m=<-1. D. -1=<m<0.

_2 4
@ Cau 106. Cho ham sb f(x) c¢6 bang bién thién nhu sau:
X —00 -1 0 1 +00
y' - 0 + 0 - 0 +
+00

S6 nghiém thuc cia phuong trinh 3/ (x)+10=01a
A. 1. B. 4. C. 2.

N N

. 3.

@ Cau 107.
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Cho ham s6 y = f(x) ¢6 do thi nhu hinh vé. S6 nghiém thuc ctia phuong

trinh 3f(x)+1=01a
A. 1.

B. 4.

@ Cau 108. Cho ham sb y = f(x) ¢c6 bang bién thién nhu sau:

x —00 0 2 +00
y' + - 0 +
4 +00
y / \ /
—00 0

S6 nghiém ctia phuong trinh 3/ (x)—e =0 la

A. 4.

B.

2. C. 3. D. 1.

@ Cau 109.

Cho ham s6 y = f(x) ¢6 d6 thi nhu hinh vé. S6 nghiém ctia phuong
trinh f(x)-m+1=0véim>41la

A. 2.

B. 3.

C. 4. D. 1.
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@ Cau 110. Cho ham sb y = f(x) ¢6 bang bién thién nhu sau:

X —00 -1 0 1 +00
f(x) + 0 - - 0 +
-3 +00 +00
fo | TN AN -
-0 —00 2

S6 nghiém ctia phuong trinh |f(x)|-3=01a

A. 4. B. 3. C. 2. D. 1.
@ Cau 111.
Cho ham s6 y = f(x) ¢6 dd thi nhu sau. S6 nghiém cta phuong trinh |f(x)| - 5
2m+1:OV6i§<m<3lé
A. 5. B. 4. C. 6. D. 3.
(0]
_5 |
@ Cau 112.

Cho ham sb y = f(x) ¢6 d6 thi nhu hinh vé. Héi phuong trinh 3/(|x|) = 2
c6 bao nhiéu nghiém?
A. 3. B. 2. C. 4. D. 1.
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@ Cau 113. Cho ham sb: y = f(x) ¢6 bang bién thién nhu hinh vé

x —00 0 g +00
f(x) + - 0 +
2 +00
f(x) / \ 292 /
—00 27
S6 nghiém ctia phuong trinh 27 (lx])—1=0 la
A. 1. B. 4. C. 3. D. o.
@ Cau 114.
Cho ham s6: y = f(x) ¢6 d6 thi nhu hinh vé. S6 nghiém ctia phuong trinh y
1+ f(x)
=21la 1
3+2f(x) VAN
A. 2. B. 4. C. 3. D. 5. "
@ Cau 115. Cho ham sb y = f(x) ¢6 bang bién thién nhu sau:
X —00 2 +00
f(x) + - 0 +
2 +00
f(x) / \ /
—00 -2
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. £ A , o If-1 1
Tim so6 nghiém ctua phuong trinh =—.
B CUA pREERE FR TGt + 1 T 4
A. 6. B. 5. C. 4. D. 7.
@ Cau 116. Cho ham sb y = f(x) ¢6 bang bién thién nhu sau:
X —00 -1 1 +00
') + 0 - 0 +
9 +00
—00 -3
S6 nghiém ctia phuong trinh f2(x)-9=01a
A. 4. B. I=3. C. 5. D. 6.
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CHUONG 2/ HAM SO LUOY THUA. HAM SO MU -
HAM SO LOGARIT

BAI 1.  LUY THUA

@ TOM TAT LY THUYET
0 LOY THUA VI $& MU NGUYEN

(1) Liiy thita v6i s6 mii nguyén duong: Cho a € R,n e N*. Khi dé: a” =g.a.a...a.
fthﬁa sb

2 Lity thita v6i s6 mii nguyén am: Cho a € R*,n e N*. Khi d6: a ™" = — va a’=1.
a

(3 Luu y: 0° va 07" véi n e N* khong c6 nghia.

€> LOY THUA V&I s6 MO HOU T

m
n
n = +y/a™.

S R T 2 m 2 8 Az
I Choa>0vasohttutir=—;trongdo mezZ,neN,n>=2. Khidé:a" =a
n

€ LOY THUA V61 56 MO VO Ti

X—+00

I Cho a >0,a € R,(r,) 1a day sb hitu ti sao cho xlir+n r,=a. Khi do: ¢ = lim a'™
—+00

O CAC TINH CHAT CUA LOY THUA

Cho a, b 1a cac sb thuc duong, x, y 1a cac sb thuc tuy y.
X

@ oY =a* 0¥ v gtV = —
a’
a®  (a\x
a®-b* = a‘bx;—=(—) va (a*) =a*?.
@ G G
3) Néua>1thia*>a’ ox>y.
(4 NéeuO<a<1lthia*>a¥ o x<y.

€©) MOT sO TiNH CHAT CUA CAN BAC N

(1) Véi n eN*, ta co6:

- 2n/a2n — |a|,Va€|R, 2n+1/ — 2n+\/— 2n+\/— V b
2n+1
_ ,/ a2+l =g Ya eR. \/;_Z,g,va 0,b>0.

V 2 2\/F_ \/Cl l) () n+
- Ve — 2 /E = 5l Va, b #£0
(2) Véi a,b eR, ta cé:
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— Va™=({/a)”,VYa >0, n nguyén duong, m nguyén
— V/ ¥a="¥a,Ya =0, n,m nguyén duong
— Néu2 -2 tm VaP = Vai,¥Ya >0,m,n nguyén duong, p, ¢ nguyén.
n m
Pac biét: Ya= "Va™

(® DANG TOAN

(3 Dang 1. Rat gon vé tinh gié tri biéu thitrc chita Iy thira

Stz dung phéi hop linh hoat cdc tinh chat cia liy thia.
Cho a, b la cac so thuc duong, x, y la cac so thuc tuy y, ta co:
X
Y = g% q¥ vd a¥ Y = —,
a’Y

— a

— a*-b*=(a-b)%; a_x: (E)x va (a*) =a™”.
. “br \p

— Neua>1thia*>a” o x>y.

— NeuO<a<1thia*>a” ©x<y.

. 2\73 3\7°
Vi du 1. Tinh gia tri biéu thic (5_3) + ((0,2)5) .
Loi giai:
2\-3 3\~5
Ta c6: (5‘5) + ((0,2)5) =52+(0,2)"3 =52+ 5% =150.

Vi du 2. Tinh gi4 tri biéu thic \/ \/5.(\4/ V5! 5’/5)
Loi giai:

Ta o6 \/ﬁ.(i/ﬁ;\/e/_g)l°:\/5%(5%;5r%)10:\/5%(54—%)10: 5255 - /54

Il
(%)
oole

1
4| -= 2
a3l|la 3 +a3
Vi du 3. Cho s6 thuc duong a. Hay rat gon biéu thic P = 1
1 3 =
adlat+a 4

Loi giai:

1
41 -—= 2
a3la 3 +a3
2
. a+a a(a+1
Ta co: P = = = ( ):a

s _1 a+1 a+1
allat+a 4
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[ Dang 2. So sdnh cdc biéu thirc chira ldy thira

Cdch 1. Pua vé cung co sb
Cho aeR; m,neZ. Khido
(D) V6i a>1thi a™ >a”" khi va chi khi m > n;
(2) V6i 0 <a <1thia™>a" khi va chi khi m <n.
Cdch 2. Pua vé cung sé mu
V6i 0 < a < b va m la sé nguyén thi

(D) a™ < b™ khi va chi khi m > 0; (2 a™ > b™ khi va chi khi m <0.

Vi du 1. So sanh cac s6:
8) (vE-1)" va (va— 1),
b) n.1015 va 3 141015‘

Loi giai:

................................................................................................
................................................................................................

................................................................................................

@® TRAC NGHIEM

@ Cau 1. Viét lai biéu thic /x- ¥/x- Va5, (x > 0) duéi dang luy thita véi s6 mi hitu ty.
5 5 7 2
A. x3. B. x2. C. «x3. D. x3.

p . 4 N
@ Cau 2. Cho a la s6 thuc duong. Gia tri rit gon ctia biéu thic P =a3 /a. bang
7 5 11 10
A. a3. B. a6. C. a6, D. a3.

@ Cau 3. Cho biéu thitc P = Vx.V/x2.Va3, véi x > 0. Ménh d8 nao dudi day ding?
2

2 1 13 1
A, P=x3. B. P=x2. C. P=x24. D. P=x4.
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o l l . A N N 2, A .
@ Cau 4. Cho biéu thic P =x2.x3.x v6i x > 0. Ménh dé nao duéi day dung?
11 7 5
A. P=x. B. P=x6. C. P=x6. D. P =x6.

. 1 )
@ Cau 5. Rut gon biéu thiic P = x6 - ¢/x véi x > 0.
1

Nel] V]

A. P =48, B. P=/x. C. P=x D. P =«2
@ Cau 6. Biéu thic P = {/x3/x2/x =x* (v6i x > 0), gid tri cha a 1a
1
A L. B. 2. c. 2 D. 2.
2 2 2 2
" 6+3(3*+37* . o A L Ae s ,
@ Cau 7. Cho 9*+97* = 14; §+33 +37) = g, (E la phéan so toi glan). Tinh P=a-b.
23wl _glx ~ p’ \p
A. P=10. B. P=-10. C. P=-45. D. P =45.
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@ Cau 8. Rut gon biéu thic K = (vx— ¢/x+1) (Vx+ ¥x+1) (x - vx +1).
A. K=x2+1. B. K=x2-1. C. K=x2—x+1. D. K=x2+x+1.

@ Cau 9. Cho biéu thic P = v/x33/x2/x v6i x > 0. Ménh dé nao sau day ding?
23 37 53 31
A. P=x30. B. P=x15. C. P=x30. D. P =x10.

@ Cau 10. Cho s6 thuc a > 1 va cac so thuc a , f. Két luan nao sau day diung?

1
A. —<0,a€eR. B. a%<1,a€cR. C. a*>1,acR. D. a®>af o a>p.
a

@ Cau 11. Néu (7+4v3)" ' <7-4V3 thi
A. a<l. B. a>1. C. a>0. D. a<0.

@ Cau 12. Cho (v5-2)" > (v5-2)". Khing dinh nao dudi day ding?
A. a>b. B. a<b. C. a<b. D. a=5.
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@ Cau 13. Phat biéu nao sau day 1a sai?

1)\? 2 3 m\2  (m\3
3o a2 I 2 z
A. &F>e? B. 05 >(2) . C. (v3) < (V3) D. (5)<(3)"
@ Cau 14. Diéu nao sau day diung?
A. a"<a"om<n. B. Neua<bthia™<a” o m>0.
C. a">a"om>n. D. 0<a<1l,a™>a"” ©m<n.
@ Cau 15. Khéng dinh nao sau day dung :
A. a " xac dinh v6i moi Va e R\{0};VneN. B. a = Va™;VacR.
C. a’=1;VaeR. D. Ya" =an;YaeR;Ym,n€Z.
@ Cau 16. Ménh dé nao dudi day sai?
x  4°
A. (5% =(5Y)". B. 4y = TR C. (2.7)* =2*.7~, D. 3%.3Y =3**Y,
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@ Cau 17. Cho a 14 s6 thuc duong. Hay biéu dién biéu thic P = a?- ¥/a dudi dang luy thita véi
so ma htu Ei. ] . ,
A. P=as. B. P=as. C. P=as. D. P =as.

@ Cau 18. Trong cac biéu thic sau, biéu thiic nao khong c6 nghia?

3\° 1
A. (_Z) . B. (—-4)°3. C. (-3)™%. D. 172,

@ Cau 19. Cho a,b 12 hai s6 thuc duong va m, n 1a hai s6 thuc tuy y. Khang dinh nao sau day
sai? )

A, —= (—)m B. a™-a® =a™". C. (@™)" =a™", D. (g)—n =b".

@ Cau 20. Cho 4 sb thuc a, b, x, y v6i a, b 1a cac sb6 duong va khac 1. Ménh dé nao dudi day

dang?
X
A. a_y =a*7Y. B. (@*)Y =a*"Y. C. a*-aY =a*7. D. (a-b)*=a-b".
a
. 1% (1)\73
@ Cau 21. Tinh gié tri ctia biéu thic P = (1_6) + (g) )
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A. P=16. B. P=18. C. P=12. D. P=24.

. 1 .4 .. ~ < 4 P SV
@ Cau 22. Biéu thic 22-22 -8 viét duéi dang liy thira co s6 2 véi s6 mii hitu ty 1a

7 5 11 9
A. 22, B. 22, C. 22. D. 22.
@ Cau 23. Tim tit ca cac gia tri cia a théa man Va7 > V2.
A. a=0. B. a>1. C. a<O. D. 0<a<1.

@ Cau 24. Tim tAt ca cac gid tri ctia a théa man vad < Val.
A. a>1. B. a=0. C. a<O. D. 0<ax<1.

@ Cau 25. Tim tat ca céc gia tri caa a théoa man (a - 1)‘§ <(a- 1)‘%.
A. a>2. B. a>1. C. <la<?2. D. 0<a<1.
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@ Cau 26. Cho (a2 -2a+1)? < (a®—2a +1)"%. Ménh dé nao sau day ding?
A. a€(0;2)\{1}. B. a€(0;2). C. a€(0;2)\{2}. D. a <0 hoaca>2.

@ Cau 27. Cho (-2a + 13 <(-2a +1)5. Ménh dé nao sau day diung?
1

1 1
A.a<§. B.O<a<§. C.a<§. D.a<0hoéca>§.
@ Cau 28. Véi gia tri ndo clia x thi (x2 +4y*5 > (22 +4)>°
1 1 1 1
A, x>——. B. x<-. C. x<—=. D. x>-.
2 2 2 2
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BAI2. HAM SO LUY THUA

@ TOMTAT LY THUYET
€ LOY THUA V61 56 MO NGUYEN

Dinh nghia 1. Cho » 12 mét s6 nguyén duong. Véi a 1a s6 thuc tuy ¥, liy thita bac n cta
a la tich ctia n thua so a.
a"=a-a-a...-a
———
n thita sb
v6i a 12 co sb, n 1a s6 mi.
Pinh nghia 2 (Can bac n).
— Cho s0 thuc b va s6 nguyén duong n = 2. S0 a dudc goi la can bac n ctia so b néu
a”=b.
— Véin lé,Nb € R thi phuong trinh c¢6 duy nhat mét cin bac n cta b, ky hiéu: V.
— V6i n chan:
(1) b <0: Khong ton tai can bac n caa b.
(2) b=0: C6 mot can bac n ctia b 1a s6 0.
(3) b>0: C6 hai cin bac n ctia b 1a - Vb va Vb.

Tinh chét 1 (Tinh chét cian bac n).

® {a- Vb= Vab. ® ¥/ ¥a="va. ® =l =C ek
@ (Va)™ = Vam. @ Va_  Ja “"“Y¢  khinchin’
Ve Vb

€ LOY THUA V61 & MO HOU T, VO Ti

Pinh nghia 3 (Liy thira v6i sé6 mit hitu ti). Cho s6 thuc a duong va sb hitu ti r = m
n

M
trong dé m € Z, n e N*. Lity thita cia @ v6i s6 mii r 1 o” dudc xéac dinh béi

m
s, n
7 n

a =ar =vVa™
Pinh nghia 4 (Luy thua véi s6 mii vé ti). Cho a 12 mot s6 dudng, a 14 mot s6 vo ti. Ta
thira nhan rang luén c6 mét day so httu ti (r,) ¢6 giéi han bang a va day so ung (a’) ¢
gi6i han khong phu thuoc vao viéc chon day so (r,).
Ta goi gidi han ctia day so (a™) 1a liy thua cta a véi so mu a. Ky hiéu la a®.

a

a®= lim a™
X—+00

véia= lim r,.

X—+00

Tinh chét 2 (Lay thira véi s6 ma thuc).

0 az.aﬁ:aa+ﬁ. ® Z_Z:(E)“:(é)_a.

a__ a-p h b a
®a/3_a ' 6 Néua>1thia®*>al o a>p.
B (@*P =a*b. 7 NéuO<a<lthia®*>al o a<p.

@ (a-b)*=a*-b°.
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€)  KHAO SATHAM 6 LOY THUA

Pinh nghia 5 (Khao sat ham s6 lily thita y =x%). — T4p xéc dinh cta ham sbé lay
thura luén chia khoang 2 = (0; +o00).
— Trong truong hop tong quat, ta khao sat ham s6 y = x® trén khoang nay, ta c6 bang
tom tat sau:

a>0 a<0
Pao ham y' =ax®! y' =ax®t
Chiéu bién thién | Ham sb luon dong bién Ham sb luén nghich bién
Tiém can Khong cé Tiém can ngang la truc Ox
Tiém can dung la truc Oy
D6 thi D6 thi ludn di qua diém (1;1) | D4 thi luén di qua diém (1;1)
— Bang bién thién
a>0 a<0
X 0 +00 x 0 +00
y/ + yl —
+00 +00
0 0
— Do thi
y/\

a>1 a=1

<a<l

1 a=0
| a<0

O 1 x

(® DANGTOAN

(D Dang 1. Tim tap xéc dinh cla ham s lay thira

Diéu kién xdc dinh ciia ham s6 y = x
— Néu a nguyén duong thi xcR.
— Néu a =0 hodc a nguyén Gm thi x # 0.
— Néu a khéng nguyén thi x> 0.

. 2
Vi du 1. Tim tap xé4c dinh ctia ham so y = (2x—1)3.

Loi giai:
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................................................................................................

’, N A ~ . > N A -3
Vi du 2. Tim tap xdc dinh cia ham s6 y = (x% +x - 2)
Loi giai:
You 4 N A ~ . L3 N A _ 2 2019
Vi du 3. Tim tap xac dinh cta ham s6 y = (x*+1)
Loi giai:
(3 Dang 2. Pao ham cuia ham sé liy thira
St dung cong thic
@D y=x%thiy =a-x*L Q@ y=uthiy =a-u*"t-u.
4 N S - N A 3
Vi du 1. Tim dao ham ctia ham s6 y = V/ x2v/x3.
Loi giai:

................................................................................................

You

Vi du 2. Tim dao ham ctia ham s6 y = (3-x2)

Loi giai:
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(3 Dang 3. Tinh chat, d6 thi clia ham sé ldy thira

Khdo sdt ham sé lity thita vdi s6 mii cu thé ta phdi xét ham sé trén toan tap xdc dinh.
— Tim tap xdc dinh. Tap xdc dinh cua ham lity thica phu thudc vao gia tri cua a.
— Su bién thién.
- Tim dao ham y'. Xét dau y' va két lugn vé chiéu bién thién ciia ham sb.
- Tim tiém cén (néu cé).
- Ldp bdng bién thién.

— D6 thi: Po thi cia ham sé lubn di qua diém (1;1).

@ TRAC NGHIEM

@ Cau 1. Tim x dé biéu thic (x2 - 1)° ¢6 nghia:
A. Vxe(—o0;1]U[1;+00). B. Vxe(—oo0;—-1)uU(1;+00).
C. Vxe(-1;1). D. Vx e R\ {+1}.

oy . , -2 -
@ Cau 2. Tim x dé biéu thic (x2 +x+1) 3 c¢6 nghia:
A. VxeR. B. Khong ton tai x. C. Vx>1. D. VxeR\{0}.

@ Cau 3. Tap xac dinh ctia ham sb y = (x? - 3x+2)" 1a

A. R\{1;2}. B. (—oo0;1)U(2;+00). C. (1;2). D. (—o0;11U[2;+00).
@ Cau 4. Tim tap xac dinh ctia ham s6 y = (4 — 3x —x2)2017,

A. (—-4;1). B. (—o00;—4) va (1;+00).

C. R D. [-4;1].
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@ Cau 5. Tim tap xdc dinh 2 cia ham sb y = (x - 5)V3.
A. 9 =(—o0;b). B. 2 =R\ {5}. C. 2 =1[5;+00). D. 2 =(5;+c0).

@ Cau 6. Tim tap x4c dinh cia ham sb y = (x? - 1)_2.
A. [-1;1]. B. R\{-1;1}. C. (—oo0;-1)u(1;4+00). D. (—oo0;—-1]U[1;+00).

@ Cau 7. Tim tap x4c dinh & ctia ham sb y = (322 — 1)3.

1 1 1 1
A. .@:(— s——|U|—;+ ) B. _@:(— ;——)U(—;+ )
C. @:R\{i—}. D. 2 =R.
V3
@ Cau 8. Tim tap xac dinh ctia ham s6 y = (x2—3)_2.
A. 2=R\{-V3;V3}. B. 2 =(-00;-v3)U(V3;+00).
C. 7=R. D. 2 =R\{-v3}.
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@ Cau 9. Tim tap x4c dinh 2 clia ham sb y = (x? —x—2)_3.

A. 72=R. B. 2 =(0;00).

C. 9 =(—00;-1)U(2;+00). D. 2 =R\{-1;2}.
@ Cau 10. Tim tap xac dinh 2 ctia ham s6 y = (x? - 3x + 2)_2016.

A. 7=R. B. 2=R\{1,2}.

C. 9=(12). D. 7 = (—00;1) U (2; +00).
@ Cau 11. Tap xac dinh 2 cia ham sb y = (x2-1) > 1a

A. _@:R B QZR\{"':[}

C. 2 =(-00;-1)u(1;+00). D. 2=0.

< 1
@ Cau 12. Tim t4p xdc dinh cia ham s6 y = (—x2? + 7x—10)3 .
A. R. B. (2:5). C. R\ {2:5}.

D. (—00;2) U (5;+00).

@ Cau 13. Tap xac dinh ctia ham sb y = (x2—x—6) " 1a:
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A. 2 =(-00;2)U(3;+00). B. 2=R\{-2;3}.
C. 7=R. D. 2 =R\ {0}.

wlno

O—-

@ Cau 14. Tap x4c dinh ctia ham s6 y = (1 -2)

A. (mo0;-1)U(1;+00). B. [-1;1]. ( 00; 1). D. (-1;1).

}_A

2

(-1,1).
(—o0; 1)U (1;+00).

@ Cau 15. Tim tap xac dinh 2 ctia ham s6 y = (x2 - 1)"
A 9= R\ {£1}. 7
C. 7= D=

B.
R\ {1}. D.

@ Cau 16. Tim tap xac dinh 2 ciia ham séy:(sz—l)_z
1 1
A. @:R\{i—}. B. @z{i—}.
i s B3l
C. 7= ( ——)u L. ) D.@:(——;—)
VI AW V3 V3

@ Cau 17. Tim tap xac dinh 2 ctia ham s6 y = (x +2x—3)‘/§.
A. 2=R. B. 2 =(-00;-3)U(1;+00).
C. 2 =(0;+00). D. 2 =R\ {-3;1}.
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@ Cau 18. Ham sb y = (x—1)~* ¢6 tap xac dinh 1a
A. R. B. (1;+00). C. (—o0;1). D. R\ {1}.

) 1
@ Cau 19. Dao ham cta ham s6 y = (x? - 2x+2)? la:

A. y’:(x2—2x+2)%.(2x—2). B. y':%(x2—2x+2)_ :

[

DO

C. y':%(Zx—Z).(x2—2x+2)_ . D. y’:(x—l).(x2—2x+2)%.

ol

@ Cau 20. Dao ham cia ham s6 y = (3-42) 3 1a
8 -1 4 -1 4 -1
A. y’:§x(3—x2) 5. B.y = C. y’:§2x(3—x2) 3. D. y’:§x[3—x2) .

w3

—gx(S—xQ)_ .

@ Cau 21. Pao ham ctia ham sb y = Vx2 +1 la:

2.76 2.76 3 3 2
,: . /: . L] /: 2 . L] I: 2 .
A. y T B. y o’ (x2+1)2 C. yy=2xvVx?+1 D. y' =4xy/(x?+1)

153 Suu tam va bién soan



2. HAM SO LUY THUA ¥ GV: Doan Thinh

@ Cau 22. Tinh dao ham ctia ham s6 y = (x? - 3x + 2)‘/5.
A. y= %(Qx —3)(x2—3x+2)V3" L, B. y' = V3(2x—3)(x? - 8x +2)"3*1.
1
C.y= %(Qx —3)(x%—3x+2)V3. D. y'=v3(2x - )~ 3x +2)* .

@ Cau 23. Tinh dao ham ctia ham sé y = V%2 Va3, véi x > 0.

4 7 6
A y=Z¥x B. y' = {x. Y= D. y = {x.
y'=3 Vx y 6\/9_6 C.y TR y'=Vx
@ Cau 24. Ham s g(x) = (222 +1)"5 c6 dao ham 1a
2
A. g'x)= —gx(2x2+1)‘%. B. g'(x)= —5(2x2+1)‘g.
2
C. g'(x) = —gx(2x2+1)—%. D. g'(x) = —§(2x2+1)—%.
@ Cau 25. Tim dao ham sb ctia ham s6 y= vx +2 v6i x > —2.
1 1 1
A y=—— . B.y-= C.y=— . D.y=4¥x+2

. = : y .
44/ (x+2)3 4vx+2 24/(x+2)3
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@ Cau 26. Cho ham s6 y = x V2, Khang dinh nao dudi day ding?
A. Db thi ham s6 khéng c6 tiém can ding.
B. D6 thi ham s6 ¢6 mét tiém ngang va khéng tiém can ding.
C. D6 thi ham s6 c6 mot tiém can ngang va mot tiém can ding.

D. D6 thi ham so6 khong c6 tiém cian ngang va c¢6 mot tiém can dung.

@ Cau 27. Cho ham s6 y =x 3. Khéng dinh nao dudi day sai?
A. D6 thi ham s6 khong c6 tiém can ding.
B. D6 thi ham s6 c¢6 mot tiém can ngang va mét tiém can ding.
C. D6 thi ham sb6 di qua diém (1;1).

D. Ham s6 nghich bién trén (0;+oo).

@ Cau 28. Ham sb6 nao sau day nghich bién trén tap xac dinh ctia né?

A, y=x2 B. y=x* C. y:xg. D. y:x'g.

@ Cau 29. Hinh vé sau 1a do thi cia ba ham s6 y =x%,y = x# v6i x > 0 va a, § 12 cac sb thuc cho
truéc. Ménh dé nao dudi day la dang.
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A. O<a<1<§p. B. f<0<1<a. C. a<0<f<1. D. 0<a<p<l.

@ Cau 30. Hinh vé sau la d6 thi ctia ba ham s6 y =x% y=xf,y =x? v6i x>0 va a, §,y 1a cac sb
thuc cho trude. ménh deé nao duéi day la dung.

Y4

A. y>p>a. B. f>a>vy. C. a>p>y. D. g>y>a.
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BAI3. LOGARIT

@ TOM TAT LY THUYET
€)  DINH NGHIA VA TINH CHAT

Pinh nghia 1. Cho hai s6 duong a,b v6i a # 1. S6 a théa man dang thiic a® = b dudc goi
12 logarit cd s6 a ctia b va ki hiéu 14 log, b.

a=log, b ©a”=0b,(a,b>0;a#l).
Tinh chit 1. Cho hai sb duong a,b v6i a # 1, ta cé tinh chat sau:

@ log,1=0. (3) alogb =p,
) log,a=1. @ log,a% = a.

€ CAC QUY TAC TiNH LOGARIT

Cho ba s6 dudng a, b1, by v6i a # 1, ta c6 cac quy tic sau:
@ log, b1bg =log, by +log, ba;
b S . 1
2 log, b—; =log, b1 —log, bo. Pac biét, véi a,b >0, a # 1 thi log, 5= —log, b.

A ol
(3) log, b* = alog, b. Dic biét: log, Vb = —log, b.
n

€ cone THIC pdI co 56

. log.b
Cho ba so duong a,b,c vaa #1,c#1, ta cé log, b = %.
og.a

. 1 .
v6i b # 1; log,« b = —log, b, v6i a # 0.
a

1
Dac biét: log, b = ,
log, a

Q LOGARIT THAP PHAN VA LOGARIT TU NHIEN

(1) Logarit cd s6 10 goi 1a 16garit thap phan, log;o N, (N > 0) thudng dudc goi 1a lgN hay
logN.

(2) Logarit co sb e goi 1a 1ogarit tu nhién, log, N, (N > 0), dudc viét 1a InN.

(® DANG TOAN

[ (3 Dang 1. Tinh gid tri ctia biéu thirc chira logarit ]

S@ dung cdc dinh nghia, tinh chdt va qui tdc tinh légarit dé tinh mot biéu thic chia
logarit.
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Vi du 1. Tinh gia tri ctia biéu thic

P =1log, 8 +log3 27 —logs 5°

Loi giai:

................................................................................................

Vi du 2. Tinh gia tri ctia biéu thic

P =In(2e)-1og 100

Loi giai:

................................................................................................

(3 Dang 2. Biéu dién logarit theo céc tham sé

Ta thuc hién theo cdc buéce sau:

Buwéc 1: Bién doéi cdc biéu thiic logarit phu thuéc vao tham sb a va b vé dang logarit véi
co s6 va doi s la tich cdc s6 nguyén to.

Buéc 2: Dt cdc biéu thiic logarit ciia cdc s6 nguyén tb la cdc dn x,y,z,... T do ta thu
duoc phuong trinh hodc hé phuong trinh véi cdc 4n la x,y,z,... ta tim cdc 4n
nay theo a,b.

Buwéce 3: Gidi hé tim dudc tim x,y,z,. .. theo a,b. T dé tinh dudc biéu thiic theo cdc tham
sb a,b.

Cdc cong thitc nén ting la log, b = log. b va L logy a.

log.a log, b

Vi du 1. Cho a,b,c,d 12 cac s6 thuc duong tuy y. Rt gon biéu thic:

b
P :log% +log — +log§—log%
c

Loi giai:

................................................................................................

Vi du 2. Cho a,b 14 cac sb thuc duong va a khac 1 . Rit gon biéu thic:

P =log, b> +log,2 b®
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Loi giai:

Vidu 3. Cho a =logym v6i 0 <m # 1. Tinh A =1log,, 16m theo a.

Loi giai:

Vi du 4. Cho logy5 = a;logs 5 = b.Tinh log; 6 tinh theo a va b.

Loi giai:

@® TRAC NGHIEM

@ Cau 1. Biét log3=m, logh=n, tim logg45 theo m, n.

A 1- . B. 1+, C. 2+ 2. D. 1+,
2m m 2m 2m
@ Cau 2. Biét logga =2 (0<a #1). Tinh I =1log, 6.
1 1
A. I:36 B. I:§ C. I:64— D. I:Z
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@ Cau 3. Tinh gia tri cia biéu thic I = a -log, V8.
2
A I==. B.Iz%a. C.I:?a. D. =

[SLN N\
DN | o

@ Cau 4. Tinh gia tri ctia biéu thiic A =logg 12 —logg 15 +logg 20.

4 3
A. 1. B. —. . 2. D. -.
3 C 4
@ Cau 5. Choa>0vaa#1. Gia tri cta a'°¢ve® bang
A. 9 B. V3. C. 6. D. 3.

@ Cau 6. Gia tri ctia biéu thiic log, 25 +log, 1,6 bang
5 B. 3. C. 2. D. 1.

@ Cau 7. Cho a =logz 15, b =logz 10. Tinh log 550 theo a va b.
A. log 550=2(a+b-1). B. log 550=4(a+b+1).
C. log 550=a+b-1. D. log 550=3(a+b+1).
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@ Cau 8. Cho logy6 =a;log,7=>b. Tinh log; 7 theo a va b.

b a b a

A. log37—a_1. B. log37—m. C. 10g37—1_a. D. log37—m.
i Cau 9. Néu a :10g303 va b :10g305 thi

A- 10g30 1350 =a +2b +1. B. 10g30 1350=2a+b +1.

C. logy 1350 =a +2b +2. D. logy, 1350 = 2a +b +2.
@ Cau 10. Cholog,7=a, log37=>b khi d6 logg7 bang

1 b
A. . B. o?+02. C. a+b. D. 22
a+b a+b

@ Cau 11. Biét rang log7 = a va log; 100 = b. Hay biéu dién logys 56 theo a va b.

A ab+3b+6. B. ab+b—6. C. ab+3b—6. D. ab—3b—6.
4 4 4 4

@ Cau 12. Dit a =log, 3;b =log; 5. Biéu dién logy, 12 theo a,b.
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ab+1 a+bd a+2 a+1

A.l 12 = . B.1 12 = . C.1 12 = . D. 1 12=——.
0820 b_9 0820 b+9 0820 ab+9 0820 b_9

6

3 4 5 124
@ Cau 13. Dita=1In3, b =1n5. TinhI:an +1ng+ln—+...+lna5 theo a va b.
A. I =a+3b. B. I=a-2b. C. I=a+2b. D. I=a-3b.

@ Cau 14. Biét log,x = a, tinh theo a gia tri ctia biéu thic P = log, 4x2.
A. P=2+a. B. P=4+2a. C. P=4+a. D. P=2+2a.

@ Cau 15. Cho log,x = -1 va log, y = 4. Tinh gi4 tri cia P =log,(x*y?).
A. P=-14. B. P=3. C. P =10. D. P =65.
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4 1 2
@ Cau 16. Cho a,b 1a cac s6 hitu ti théa man log, v/360 = 2 +alogy3+0blogy 5. Khi dob tong a +b
co gia tri la

4 2 1 1
A. - B. -. C. —. D. -.
3 3 18 2
n N % 1 1 1 1 465 o , L .
@ Cau 17. Tim n biét + + ot = luén ddang véi moi x > 0,
logox logozx  loggsx logonx  loggx
x Z 1.
A. n=31. B. khong ton tain. C. n=30. D. n=-31.

@ Cau 18. Cho s6 thuc 0 <a # 1. V6i moi s6 thuc dudng x,y. Khang dinh nao sau day dung?

A. log, X log, x —log, y. B. log, X log, x +log, y.
Yy Yy
1
C. log, T log,(x— ). D. log, X _ 08X
y y log,y

@ Cau 19. Cho a la s6 thuc duong khac 1. Ménh dé nao sau day dung véi moi s6 duong x,y?

A. log, X log, x +log, y. B. log, r_ log, (x — y).
Y y
1
C. log, = =log, x —log, y. D. log, > = 98a X
y y log,y
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@ Cau 20. Cho cac s6 thuc dudng a, b, ¢ va khac 1. Hay chon ménh dé sai trong cac ménh dé

sau:
b
A. log, — =log,b—log,c. B. log,(bc)=1og, b +log,c.
c
log.b log.a
C. log,b=——. D. log,b=—.
O8a log.a O8a log. b

@ Cau 21. Cho a 1a sb thuc duong khéc 1. Khang dinh nao duéi day 1a sai?

1
A. log,2-logga=1. B. log,1=0. C. log,a=1. D. log, 2= .
log, 2
@ Cau 22. Véi cac sb thuc duong a,b bat ki. Ménh dé nao duéi day dung?
1
A. In@b)=lna+Inb. B. ln% =Inb-Ina.  C. In(ab)=Ina-Inb. D. ln% = IE—Z

@ Cau23. Cho0<a#1vax>0,y>0. Chon ménh dé ding trong cac ménh de sau:
A. log,(x+y)=log,xlog, y. B. log,(xy)=1log, x+1og, y.
C. log,(xy) =log, xlog, . D. log,(x+y)=log,x +log, y.
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@ Cau 24. Néu log, b = p thi log, a®b* bang
A. 4p+2. B. 4p +2a. C. a?p*. D. p*+2a.

3
A N a .
@ Cau 25. Choa,b,c>0,c#1vaditlog.a=m,log.b=n,T = log (%) Tinh T theo m,n.
3 3 3 3 3

3
A. T=—-m-—-n. B. T=6n--m. . T=—- —-n. D.T= ——n.
zm 8n 6n 2m C 2m+8n 6m 2n

@ Cau 26. Cho cac s6 thuc a,b,c théoa méan: 87 = 27 plosr1l = 49 clogu25 — /11, Gi4 tri cha

blél.l thﬁc A= a(10g3 7)2 + b(log7 11)2 + C(log1125)2 lé
A. 519. B. 729. C. 469. D. 129.

@ Cau 27. Cho logyx = v2. Tinh gi4 tri ctia biéu thtic P =log3x +logq x +logx.

:32£. B.P:?. C. P=2V2. D. P= 5

A. P
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@ Cau 28. Gia st p,q 1a cac s6 thuc dudng sao cho loggp = log;,q = logi(p +¢q). Tim gia tri
cta 2.
q

A. %(—1+\/5). B. Z(1+v5). C. g D. g

N | =

@ Cau 29. Cho a, b 1a cac s6 thuc duong khéc 1, théa log,2 b +log,2a = 1. Ménh dé nao dudi
day la dung?
1

1
A.azg. B. a=5. C.a:ﬁ. D. a =0b2.

@ Cau 30. Cho a,b 1a cac sb thuc duong va ab # 1 théa man log,, a? = 3 thi gia tri ctia log g4
ab ab b

bang:
3 3 8 2
A. g B. 5 C. 3 D. 3

166 Suu tam va bién soan



4. HAM SO MU - HAM SO LOGARIT ¥ GV: Doan Thinh

BAl4. HAM SO MU - HAM SO LOGARIT

@ TOM TAT LY THUYET
€@ HAMSE MO

Ham sb6 y =a* (a >0) ¢6 Y Y
— Tap xac dinh 2 =R.
— y'=a*lna,VxeR
— Ham s6 dong bién trén R khi va chi khi a > 1, 1 1
nghjch bién trén R khi va chi khi 0 <a < 1. 0 " 0 .
— Do thi

€ HAM SO LOGARN

Ham Sé y= logax co £y AY
— Tap xac dinh 2 = (0; +00).
— y’:L,VxE(OHoo). /
xlna” .
— Ham so0 dong bién trén (0;+oo) khi va chi khi > >
a > 1, nghich bién trén (0;+00) khi va chi khi © /1 O 1\ *
O<ax<l.

— Do thi

(® DANG TOAN

(3 Dang 1. Tép xdc dinh clia ham sé mi va ham sé logarit

Vi du 1. Tim t4p xac dinh ctia ham s6 y = log, (2x — x2).

Loi giai:

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Vi du 2. Tim tap xac dinh cta ham s6 y=2x+ ———.
: logox—3

Loi giai:
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................................................................................................

(3 Dang 2. Cac bai todn lién quan dén dao ham ham sé mi vé ham sé logarit

Su dung cdc cong thiic sau
N !/
— (@%)' =a*Ina va (a*®) =uv/(x)a*®Ina.

1 1 N I u'(x)
— (log,x) = g (log, u(x)) = Ing

, - N L3 N A 2
Vi du 1. Tinh dao ham ctia ham s6 y = 2* 2,

................................................................................................

................................................................................................

You

Vi du 2. Tinh dao ham ctia ham s6 y = (x? + 2x) e*.

................................................................................................

[ Dang 3. Max-min cGa ham sé mii va ham sé logarit

, N A 1 N ., <124 A - N A ~ A
Vidu 1. Cho ham s6 y =Inx— §x2 +1. Tim gi4 tri 16n nhit M ctia ham s6 da cho trén

1
doan —;2].
2

................................................................................................
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(3 Dang 4. Bai todn thuc té

1) Lai don: Khdch hang gii vao ngdn hang A dong véi lai don r/ ki han thi sb tién khdch
hang nhdn dude cé von lan lai sau n ki han (ne€N*) la S, = A +nAr =A1 +nr).

2) Lai kép: Khdch hang gii vao ngin hang A déng véi ldi kép r/ ki han thi sé tién khdch
hang nhdn dudce cd von lén lai sau n ki han (neN*) la S, = A1 +r)*. Tt dé ta co thé

. . /S S S
tim cdc gid tri: r = Kn -1, A= (1+—r:‘)”’ n =104 (Xn)

3) Bai todn ting trudng dan sé: Cong thiic tinh tang trudng ddan sé
Xn=X,1+r)" ", (m,neZ " ,;m=n)

trong do:
rla ti lé tang ddn so tw nam n den nam m.
X, la dan so nam m.
X, la ddn so nam n.
2 JA 4~ A A 7 X
Tt dé ta co cong thic tinh ti 1é tang ddn so la r= "7} X—m -1.
n
4) Vay vén trd gép: Vay ngan hang sé tién la A dong vdi lai sudt r/thdng. Sau ding mot
thang k& tix ngay vay, bat dau hoan ng, hai lan hoan ng cach nhau dung mot thang,
mdbi lan hoan ng sé tién la X dong. Ta cé cong thic tinh sé tién con lai sau n thdng:

1 n
Sp=AQ+ry—x 71
r
5) Tién giii hang thang: Dau méi thang khdch hang giii vao ngdn hang sé tién A déng vdi
lai kép r/thdng thi sb tién khdch hang nhdn dudce cd von lén lai sau n thdng (n € N*)
. . A
(nhdn tién cuoi thang, khi ngan hang da tinh lai) la S, la S, = —[(1+r)"—111+r) T
r
Snr +1),A: Sn-r )
A(+r) A+nrn[A+r)y-1]

dé ta con= IOg(1+r)(

Vi du 1. D& du bao dan sb cia mot quéc gia, ngudi ta st dung cong thidc S = A -’
trong dé A 1a dan sé ctia ndm lay lam méc tinh, S 1a dan s6 sau » nam, r 1a ti 1é tang
dan s6 hang nam. Nam 2017, dan s6 Viét Nam 1& 93-671-600 ngudi (Téng cuc Théng ke,
Nién giam théng ké 2017, Nha xuét ban Thong ke, Tr. 79). Gia st ti 1é tang dan s6 hang
nam khéng d6i 14 0,81%, du bao dan sé Viét Nam niam 2035 14 bao nhiéu nguoi (két qua
lam tron dén chit s6 hang tram)?

Loi giai:

................................................................................................

@® TRAC NGHIEM

@ Cau 1. Tim tap xéc dinh ctia ham s6 y = log; (x2 - 38x +2).
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A. (—o0;1)U(2;+00).  B. (1;2). C. (2;+00). D. (—o0;1).
@ Cau 2. Tap xac dinh ctia ham s6 y =logz(4 —x) la:
A. D =[4;+0c0). B. D =(—o0;4]. C. D =(4;+00). D. D =(-o00;4).

@ Cau 3. Tim tat ca cac gi4 tri thuc ctia a dé biéu thiic B = log3(2 —a) c6 nghia.

A. a>2. B. a=3. C. a<2. D. a<2.
@ CAu 4. Tim tap x4c dinh 2 ctia ham sb y = e* 2%,
A. 2=R. B. 2=[0;2]. C. 2 =R\{0;2}. D. 2=0.

@ Cau 5. Trong cac biéu thiic sau, biéu thic nao khéng cé6 nghia?

0
A. (—4)73, B. (—z) . C. (-3 D. 1V2.
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@ Cau 6. Tim tap x4c dinh 2 ctia ham s6 y = logg17(9 — x2) + (2x — 3)72018,

A. @:(2;3). B. 2=(-3;3).
3 3 3 3
C. 9= [—3,§)U(§,]. D. @—(—3,§)U(§,3).
@ Cau 7. Tim tap xac dinh 2 cia ham s6 y = logz(—x2 + 3x).
A. 7=(0;3). B. 2 =R\{0;3}.
C. 2 =(-00;0)uU(3;+00). D. 2 =R.

@ Cau 8. Tap xac dinh ctia ham sb y =log,(10 — 2x) 1a gi?
A. (—00;2). B. (5;+00). C. (-00;10).

D. (—o0;5).

@ Cau 9. Tap xac dinh cia y =In(-x?+5x—6) la

A. [2; 3]. B. (2; 3). C. (—o0; 2]U[3;+00).

D. (—00; 2)U(3;+00).

n o A s N £ 1
@ Cau 10. Tim tap xac dinh ctia ham so6 y =log Vg o
—X
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A. (~00;6). B. R. C. (0;+00). D. (6;+00).
@ Cau 11. Tap xac dinh ctia ham s6 y =log, (3 - 2x —?) 1a
A. D=(-1;1). B. D=(-1;3). C. D=(-3;1). D. D =(0;1).

@ Cau 12. Tap xac dinh ctia ham sb y =log, (x? —2x - 3) 1a
A.

(-1;3). B. [-1;3]. C. (—o00;-1)U(3;+00).

D. (—o0;-1]U[3;+00).

@ Cau 13. Tim tap xdc dinh ctia ham sb: y = 2V* +1og(3 —x)
A. [0;+00). B. (0;3). C. (—o0;3).

D. [0;3).

@ Cau 14. Tim tat ca cac gia tri thuc ctia tham s6 m d& ham s6 y = log (x% - 2x —m + 1) ¢6 tap

xac dinh 1a R.
A. m=<2. B. m>2. C. m=0.

D. m<0.
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@ Cau 15. Tim tat ca céc gia tri thuc ctia tham s6 m d6 ham s6 y =1n(x?—2x+m+1) c6 tap
xac dinh la R.

A. 0<m<3. B. m <-1hoac m >0.

C. m>0. D. m=0.

@ Cau 16. Ham s6 y =In(x% + mx + 1) x4c dinh v6i moi gia tri cia x khi.
m< -2
B. m>2. C. 2<m<2. D. m<2.
m>2

@ Cau 17. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y =log(x2 —4x—m + 1) c6 tap
xac dinh la R.
A. m>-4. B. m<O. C. m<—4. D. m<-3.

@ Cau 18. C6 bao nhiéu gia tri nguyén cta tham s6 m trén [-2018;2018] dé ham sb y =
In (x% - 2x—m +1) c6 tap xdc dinh 1a R?
A. 2019. B. 2017. C. 2018. D. 1009.

@ Cau 19. Ham sb y = 2°°~* ¢6 dao ham la
A. 2°°7% In2. B. 2x-1)2°*1In2. C. (x2-x)2°*1, D. (2x—1).28%.
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¢ Cau 20. Ham s6 y = 3¥"* ¢6 dao ham 1a 2 .
A. (2x-1).3% . B. (x%-x).3% ~7L C. 2x-1).3* *.In3. D. 3 *.In3.

@ Cau 21. Ham sb f(x) = log, (x? - 2x) ¢6 dao ham
In2 1 (2x—2)In2 2x—2
A. flx= B. f'x=———— C. fx=——. D. flx=———.
fx fa (x2 —2x)In2 fa f (x2 —2x)In2

x2-2x x2 - 2x

@ Cau 22. Pao ham cta ham s6 y=e¢172¢ 13

el—2x
A. y =2el72%%, B. y' = —2el7%, C. y=- 5 D. y' =el %
@ Cau 23. Dao ham ctia ham s6 y =logg (x? +x+1) 1a
2x+1)In3 2x+1
A y="Hr7—""—. B. y = )
Y T T xr1 Y (x2+x+1)In3
2x+1 1
C.yy=—"—. D. y = .
Y T a1 Y (x2+x+1)In3
¢ Cau 24. Tinh dao ham cia ham 6 y = X Hx,
A. (2x+1)e". B. (2x+1)e* ™. C. 2x+1)e**L, D. (x?+x)e?**1,
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@ Cau 25. Tinh dao ham ctia ham s6 y = 22¢+3,

A. y' =22*2]n2, B. y' =2%*2]n16. C. y' =2%+31n2.

D. y' =4"*21n4.

@ Cau 26. Tinh dao ham ctia ham s6 y = logs(x% + 2).

1 2x 2x1Inb 2x
A y=——v " B.y=—2_ C. y =m0 D.y=— o
Y T @2+2)In5 Y T @2+2) YT @2+2) Y T @2+2)Inb
@ Cau 27. Pang thitc nao sau day ding véi moi s6 duong x?
In10 X
’ ’ r_ . r_ .
A. (logx) = T B. (logx) = — C. (ogx) =xIn10. D. (logx) 1o
@ Cau 28. Tinh dao ham ctia ham s6 y =logy(x + 1).
1 1 X
A yV=— B. yy=—0. C. yy=——. D. y=0
Y T @+ DIn2 Y T A1 Y T @+ DIn2 Y
@ Cau 29. Tinh dao ham ctia ham s6 y =logs(3x +1).
3 1 3 1
A. y = . B. y = . C. yy=———. D.y=—F .
Y T g1 Y T3+ 1 Y = Bx+1)In3 Y = Bx+1)n3
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@ Cau 30. Dao ham ctia ham s6 y =logs(4x +1) 1a
1 4 In3 D 4In3

- = B. yI:— — _
(4x+1)In3" (4x+1)In3" dx+1 dx+1

A. Y=

@ Cau 31. Tinh dao ham ctia ham s6 y = loggg7 (% +1).

2x 2x
A y= B. y = .
Y = 2017 Y T 2+ 1)In2017
1 1
C. y= . D. y = .
Y T (2 +1)In2017 YT )

, 1 N e an .
@ Cau 32. Cho ham sb y = —~, ménh d& nao dudi day ding?
X

1 1 1 1
A. 2y'+xy":——2. B. y'+xy":—2. C. y’+xy":——2. D. 2y'+xy":—2.
x x x x

. In? . . i
@ Cau 33. Chohamsso y = g Trong cac khang dinh sau, khang dinh nao khong dung?
X

< Inx(2-1
A. Pao ham ctia ham so la y' = LGx)
X

B. Gi4 tri nhd nhat ctiia ham s6 trén [1;e?] 12 0.
C. Tap xac dinh ctia ham s6 1a R\ {0}.
D. Tap xac dinh ctia ham s6 1a (0; +00).
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@ Cau 34. Goi M, N lan ludt 1a gi4 tri 16n nhat va gia tri nhé nhat ctia ham s6 y =x2-e* trén
doan [-1;1]. Tinh tong M + N.
A. M+N =3e. B. M+N-=e. C. M+N=2e-1. D. M+N=2e+1.

@ Cau 35. Tim gi4 tri 16n nhat ctia ham s6 y = x +e2* trén doan [0;1].

A. maxy=2e. B. maxy=e?+1. C. maxy=e’ D. maxy=1.
x€[0;1] x€[0;1] x€[0;1] x€[0;1]
@ Cau 36. Gi4 tri 16n nhat ctia ham sb y = (x — 2)%e* trén [1;3] 1a
A. €. B. e. C. o. D. .

A .« . . 2 A > N A 1 N N
@ Cau 37. Gi4 tri nhd nhat cia ham s6 y = 2Y trén doan [1;e] 1a
x

A. 0. B. 1. c. 1 D. e.

e

A < . s .« 724 A o N A ]' 2 A
@ Cau 38. Tim gi4 tri 16n nhait ctia ham s6 y = 2 Y tren doan [1;e?].
X
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A ., . ” A . s . 24, A > N A N 1 A
@ Cau 39. Gia tri nhé nhat, gi4 tri 16n nhat ctia ham s6 y = x — Inx trén doan 50 @ lan lugt
la 1 1
A. 1vae-1. B. 1vae. C. §+ln2vée—1. D. 1va §+1n2.

@ Cau 40. Gia tri nhoé nhat cia ham sb y = e® trén doan [-1;1] 1a
1
A. 0. B. -. C. 1. D. e.

e

@ Cau 41. Cho a,b,c > 1. Biét rang biéu thiic P = log,(bc) +log,(ac) + 4log,(ab) dat gia tri nhé

nhéat bang m khi log, ¢ = n. Tinh gia tri m +n.
25
A. m+n=12. B. m+n:?. C. m+n=14. D. m+n=10.

@ Cau 42. Trong cac khang dinh sau, khang dinh nao ding?
A. Ham s6 y = ¢1%+2017 d6ng bién trén R.
B. Him s6 y = log; 5 x nghich bién trén (0;+o0).
C. a7V =a*+a%;Va>0,a #1,x,y €R.
D. log(a +b)=1loga +logb;Va >0,b>0.
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@ Cau 43. Ham s6 nao sau day nghich bién trén tap xac dinh?

1 —X
A. y:(§) . B. yzloggx. C. y=Inx. D. y=nr".

@ Cau 44. Trong cac ham sb dudi day, ham s6 nao nghich bién trén R?
2 b4 b1

A. yz(;)x. B. y=(/n)". C. y:(g)x. D. yz(g)x.

@ Cau 45. Trong cac ham s6 duéi day, ham s6 nao nghich bién trén tap sé thuc R?

2 X
A y= (—) . B. y=log; x. C. y=logz(2x2+1). D. y= (E)x
€ 2 4 3
@ Cau 46. Trong cac ham sb sau, ham s6 nao dong bién trén R?
A. y=(\/§—1)x. B. y=(-e)". C. y=n". D. y=(e-2)".
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@ Cau 47. Cho cac sb thuc x, y va a théa mén x > y, a > 1. Khi d6, diéu nao sau day la ding?
A. a*<a’. B. a*<a’. C. a*>a’. D. a*=a’.

) 1\2P¢
@ Cau 48. Cho p, g la cac s6 thuc thod man m = (—)
e

q.

, n=eP"24 Biét m > n, so sanh p va

A. p=q. B. p>g. C. p=qg. D. p<gq.

@ Cau 49. Cho ham sé/y = (vV2-1)". Phat biéu nao sau day la ding?
A. Ham s0 nghich bién trén khoang (—oo; +00).
B. Ham s6 dong bién trén khoang (0; +oco).
C. Db thi ham sb ¢6 dudng tiém can ngang la truc tung.
D. Do thi ham sb c¢6 dudng tiém can ding 1a truc hoanh.

@ Cau 50. Cho ham sb y=1log /3% Ménh dé nao duéi day 1a ménh de sai?
A. Ham s6 da cho dong bién trén tap xac dinh.
B. Do thi ham sb da cho khong c6 tiém cin ngang.
C. Db thi ham sb da cho c6 mét tiém can ding 1a truc Oy.
D. Ham s6 da cho c6 tap xac dinh D = R\ {0}.
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@ Cau 51. Cho ham s6 y =log,x. Ménh dé nao duéi day sai?

A. Pao ham ctia ham s6 1a y' = .
xIn2

B. D6 thi ham s6 nhan truc Oy lam tiém can ding.
C. Tap xéc dinh cta ham s6 1a (—oo; +00).
D. Ham s6 dong bién trén khoang (0; +oo).

@ Cau 52. Cho ham sb y = log; x. Khang dinh nao sau day sai

5
A. Ham s6 c6 tap xac dinh 1a D = R\ {0}.
-1
B. y'= .
Y xInb5

C. Ham s6 nghich bién trén khoang xac dinh.
D. Db thi ham sb ¢6 tiém can ding 1a truc Oy.

@ Cau 53. Cho ham sb y =x2e*~1. Ménh dé nao sau day ding?
A. Ham s0 chi c6 mot cuc dai. B. Ham so6 khong c¢6 cuc tri.
C. Ham s6 c¢6 mot cuc dai va mot cuc tiéu.  D. Ham s6 chi c6 méot cuc tiéu.
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@ Cau 54.
Hinh bén 1a d6 thi cia ba ham sb y =a*,y = b*,y = ¢*, trong d6 a,b,c y  y=b"
la cac so thuc duong khac 1,dudc vé trén cung mot hé truc toa do.
Khang dinh nao sau day la dung? y=c
A. a>b>c. B. b>a>c. C. a>c>b. D. c>b>a. .
y=a
(0] X
@ Cau 55.
Puong cong trong hinh bén 14 d6 thi ctia ham s6 nao bén duéi ;
A. y=logg(x+1). E
B. y=logzx+1. HEE T .
C. y=logy(x+1). _q :
D. y=logyx. : 2 .
@ Cau 56. D6 thi caa ham s6 nao dudi day c6 tiém can ding?
2x /4
A. y= . B. y=——. C. y=¢e". D. y=1 241).
| YT a1 y=e y = logyla™+1)
@ Cau 57.
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Cho a, b, ¢ 12 ba s6 thuc duong va khéc 1. Do thi cac ham sb6 Y

y =log, x, y =logy x, y =log, x dudc cho trong hinh vé bén. Ménh y=log,x
dé nao duéi day la ménh de dung?
A.a<b<e. y =logyx
B. c<ac<b.
C. c<b<a.
D. b<c<a. (0] 1 x
y=log.x

@ Cau 58. Trong ciac ménh dé sau ménh dé nao ding?
A. Ham sb y = a® v6i 0 <a < 1 dong bién trén (—oo;+00).

X 1t s £ . 1)\* Ao .
B. Do thi ham so y=a*va y = (—) (0 <a # 1) doi xing v6i nhau qua truc tung.
a

C. Ham s6 y=a*(0 <a # 1) 1a mo6t ham s6 nghich bién trén (—oo;+o0).
D. D6 thi ham s6 y=a*(0<a # 1) luén di qua diém (a;1).

@ Cau 59. Cho ham sb y =a*,0 <a # 1. Khéng dinh nao sau day 1a khang dinh sai?
A. Ham s6 y = a® ¢6 tap xac dinh 1a R va c6 tap gia tri 1a (0; +o0).
B. D6 thi ham s6 y = a¢* ¢6 dudng tiém can ngang la truc hoanh.
C. Do thi ham sb y =a* ¢6 duong tiém can ding la truc tung.
D. Ham s6 y = ¢* dong bién trén tap xac dinh ctia n6 khi a > 1.

@ Cau 60.
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Cho ba s a, b, ¢ >0 va khac 1. D6 thi ctia cac ham y =a*, y = b%, y=a* ¥ y=b
y = ¢* dudc cho trong hinh vé dudi day. Ménh dé nao sau day y=c*
dang?
A. a<b<ec. B. b<c<a. C. c<a<b. D.a<ec<b.
0 x

@ Cau 61. Cho biét rang su ti1é ting dan s6 thé giéi hang nam 1a 1,32%, néu ti 1é ting dan sb
khong thay ddi thi dan sé sau N nam dudc tinh theo cong thic ting trudéng lién tuc S =A -’
trong dé A 1a dan sb tai thoi diém mobc, S 1a s6 dan sau N nam, r 1a ti 16 ting dan s6 hang
nam. Nam 2013 dan sb thé gidi vao khoang 7095 triéu nguvi. Biét nam 2020 dan sb thé gidi
gan nhat véi gia tri nao sau day?

A. 7879 triéu nguoi. B. 7680 triéu nguoi. C. 7782 triéu ngudi. D. 7777 triéu ngudi.

@ Cau 62. Sinh nhat ciia An vao ngay 1 thang 5. Ban An muén mua mét chiéc may anh gia
khoang 600.000 dong dé lam qua sinh nhat cho chinh minh. Ban ay quyét dinh bd 6ng tiét
kiém 10000 dong vao ngay 1 thang 1 ctia nam do, sau dé ci tiép tuc nhitng ngay sau, moi ngay
ban bé 6ng tiét kiém 5.000 dong. Biét trong nidm d6, thang 1 c¢6 31 ngay, thang 2 c¢6 28 ngay,
thang 3 c6 31 ngay va thang 4 ¢6 30 ngay. Goi a (dong) 14 s6 tién An c6 dude dén sinh nhéat
ctia minh (ngay sinh nhat An khong bé tién vao 6ng). Khi dé ta cé:

A. a €[610000;615000). B. a €[605000;610000).

C. a €[600000;605000). D. a €[595000;600000).

@ Cau 63. Mot ngudi gii vao ngan hang 50 triéu dong thoi han 15 thang, 14i suat 0,6%/thang
(1ai kép). Hoi hét ki han thi tong sb tién ngudi d6 c6 ducc 1a bao nhiéu?
A. 55664 triéu dong. B. 54,694 triéu dong. C. 55,022 triéu dong. D. 54,368 triéu dong.
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@ Cau 64. Tilé ting dan s6 hang nam 6 Viét Nam dude duy tri 6 mic 1,05%. Biét réang, dan
s6 ctia Viét Nam ngay 1 thang 4 nam 2014 14 90.728.900 ngudi. Véi téc d6 tang dan sé nhu thé
thi vao ngay 1 thang 4 nam 2030 thi dan sb ctia Viét Nam la

A. 106.118.331 ngudi. B. 198.049.810 nguoi.

C. 107.232.574 nguoi. D. 107.323.573 nguoi.

@ Cau 65. Cho biét su ting dan s6 dude wéc tinh theo cong thic S =A-eN" (trong d6 A 1a dan
s6 ctia ndm 14y lam méc tinh, S 14 dan s6 sau N nam, r 1a ti 1& tang dan s6 hing nam). Pau
nam 2010 dan s6 tinh Bic Ninh 1a 1.038.229 ngudi tinh dén dau ndm 2015 dan sb cta tinh 14
1.153.600 nguoi. Hoéi néu ti 1é ting dan s6 hang nam gitt nguyén thi dau ndm 2020 dan sbé caa
tinh ndm trong khoang nao?

A. (1.281.600;1.281.700). B. (1.281.700;1.281.800).

C. (1.281.800;1.281.900). D. (1.281.900;1.282.000).

@ Cau 66. S6 lugng ctaa loai vi khudn A trong mot phong thi nghiém dude tinh theo cong
thic S(¢) = S(0)-2¢, trong d6 S(0) 1a sb luong vi khuén A lic ban dau, S(¢) 1a s6 ludng vi khuén
A c6 sau ¢ phut. Biét sau 3 phit thi s6 ludng vi khudn A 13 625 nghin con. Hbi sau bao 1au, ké
ti lic ban dau, s6 lugng vi khudn A 13 10 triéu con?

A. 19 phiit. B. 48 phiit. C. 12 phut. D. 7 phiit.
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@ Cau 67. Anh Nam giii 500 triéu vao ngan hang theo hinh thiec 13i kép ky han 1 nam véi 1ai
suat khong thay doi hang nidm 14 7,5 % nam. Sau 5 ndm thi anh Nam nhan dudc sb tién ca
von 14n 1ai 1a

A. 685755000 dong. B. 717815000 dong. C. 667735000 dong. D. 707645000 dong.
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BAI§.  PHUONG TRINH MU - PHUONG TRINH
LOGARIT

@ TOM TAT LY THUYET
4€) PHUONG TRINH M0 CO BAN

Dinh nghia 1. Phuong trinh mii co ban c¢6 dang

a*=b(a>0,a#1).

Dé giai phuong trinh trén, ching ta st dung dinh nghia l6garit.
(@) V6ib>0,tacéa”=b o x=1log,b.
(2) Véi b <0, phuong trinh v6 nghiém.

€) PHUONG TRINH LO-GA-RIT CO BAN

Dinh nghia 2. Phuong trinh 16-ga-rit co ban c¢6 dang

log,x=5b(a>0,a #1).

n Phuong trinh trén luén c¢6 nghiém duy nhét x = a®. %

(® CACDANG TOAN

€) PHUONG TRINH M0

(O Dang 1. Pua vé phuong trinh mii co ban

Phuong trinh vl 0<a #1.
Néu b >0, ta cé a* =b < x =log, b.
Néu b <0, phuong trinh v6 nghiém.

Vi du 1. Giai phuong trinh 2°°3% = 1,

Loi giai:

................................................................................................

' [JDang 2. Pua v& ciing co s& ]

Vi a>0, a#1tacé al™ =a8® o f(x) = g(x). ]
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x (7 3x—1 16
Vi du 1. Tim tap nghiém S ctia phuong trinh (?) : (Z) o 0.

Loi giai:

................................................................................................

(O Dang 3. Phuwong phdp 16-ga-rit héa

V6ia>0b>0a#1,b#1:a’® =08 o f(x) =log, b8 & f(x) = g(x)-log, b.
Ddc biét a’ @ =b & f(x) =log, b.

Vi du 1. Phuong trinh 27 2% =72 ¢6 mot nghiém viét duéi dang x = —log, b, v6i a, b
14 cac s6 nguyén duong. Tinh téng a + b.

Lai giai:

(O Dang 4. bat mét an phu
t= af(x),t >0
— P(a™)=0<
P(t)=0
Vi du 1. Giai phuong trinh 3%+1-4.3*+1=0.
Loi giai:

(3 Dang 5. P&t &n phu véi phuong trinh déng cép

a~a2f(x)+ﬁ-(ab)f(x)+)/-b2f(x) =0

a

Phuong phdp: chia hai vé phuong trinh cho b*'™® réi dit ¢ = (

b

Trong thuc hanh ta thuong chia cho cd s6 nhé nhat hodc co sé lén nhat.

/>0,
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Vi du 1. Giai phuong trinh 6-9%-13-6%+6-4* = 0.

N, * 2 e
CO1 glai:
.
................................................................................................

................................................................................................

(3 Dang 6. P&t &n phu khi fich hai co sé bang 1

af@ 4+ pf® = ¢ véi a.b=1
Phuong phap:

1
Dat t =a’™ >0 suy ra b’® = .

Vi du 1. Giai phuong trinh (v2-1)"+(v2+1)" -2v2=0.

N, * 2 e
CO1 glai:
.
................................................................................................

................................................................................................

€) PHUONG TRINH LO-GA-RIT

0O Dang 7. Phuong trinh logarit co ba&n

Phuong trinh log,x = b, véi a >0 va a # 1, ludn cé nghiém duy nhit x = a® véi moi b.

Vi du 1. Tim tp nghiém S ctia phuong trinh logy (x +4) = 4.

Lai giai:

................................................................................................

189 Suu tam va bién soan



5. PHUONG TRINH MU - PHUONG TRINH LOGARIT

¥ GV: Doan Thinh

(3 Dang 8. Phuong phdp dua vé ciing co sb

trinh logarit vé cdc dang co bdn sau.:

f(x)>0

1 =b
0g, f(x) < {f(x) — ab_

fx)>0

log,, f(x) =log, g(x) {f(x) = g(x).

Cho 1#a >0. Vi diéu kién cdc biéu thiic f(x) va g(x) xdc dinh, ta thuong dua cdc phuong

Vi du 1. Tim tét ca céc gia tri thuc cta x théa man dang thic

logsx = 3logz 2 +1ogg 25 —log, 53

(O Dang 9. bat mot dn phu

Gidi phuong trinh f [log, g(x)] =0(0 <a #1).
— Buéc 1: Dat t =log, g(x) (%)
— Buwée 2: Tim diéu kién ciia t (néu co).
— Buide 3: Dua vé gidi phuong trinh f(¢) =0 da biét cdch gidi.
— Buéce 4: Thay vao (x) dé tim «.

A - log, fz(x):Zlogalf(x)l.
- log, f%x = 2klog, |f(x)|.
- log, f%*1x = (2k + 1)log, f (x).
- log, (f(x)g(x)) =log, |f(x)| +log, |g(x)|.

You

Vi du 1. Phuong trinh log?x —logx —2 = 0 ¢6 bao nhiéu nghiém?

Loi giai:

.........................................................................

.........................................................................

.......................

.......................
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@® TRAC NGHIEM

@ Cau 1. Giai phuong trinh 2 3% = 1,
A. x=0,x=3. B. x=1,x=-3. C. x=1,x=2. D. x=0,x=-3.

1

@ Cau 2. Phuong trinh 234 = 3 c6 nghiém 1a bao nhiéu?

A. x=-3. B. x=-2. C. x=2. D. x=3.

1

@ Cau 3. Hbi phuong trinh 22<°-5+-1 = 3 c6 bao nhiéu nghiém?

A. 3 B. 2. C. 1. D. 0.
@ Cau 4. Giai phuong trinh 2% = 3.

A. x=2V3, B. x=log,3. C. x=logz2. D. x=3"2,

A

u 5. Tim nghiém cia phuong trinh 2* = (v/3)".
x=0. B. x=-1. C. x=2. D. x=1.
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4 X 7 3x—1 16
@ Cau 6. Tap nghiém S ctia phuong trinh (5) : (Z) T 01la
1 11 1
A. S=5—=¢. B. S={2}. « S=9—=;=7¢. D. S=:{-=;2;.
5= {31 s- C.s-{zzp Ps-{f
@ Cau 7. Tim s nghiém ctia phudng trinh 225"~ 7+5 = 1,
A 1 B. Vo sb. C. 0. D. 2.

1 x2-2x-3
) =771 ¢6 bao nhiéu nghiém?

@ Cau 8. Phuong trinh (7
A. 0. B. 1. C. 2. D. 3.

N . 1 C xR . A , . Lo
@ Cau 9. Cho phudng trinh 53 = 55 Khi d6, tong cac nghiém ctia phuong trinh cé gia tri

e
m/

A. 4. B. 4. C. 2. D. -2.
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@ Cau 10. Goi a, b (a < b) 1a cac nghiém ctia phuong trinh 6* +6 = 2571+ 3%*1 Tinh gi4 tri biéu
thitc P = 3% +2°.
A. P=17. B. P=17. C. P=31. D. P =5.

@ Cau 11. Phuong trinh 27 9% =72 ¢6 mot nghiém viét duéi dang x = —log, b, véi a, b 12 céc
s0 nguyén duong. Khi d6 tong a + b c6 gia tri 1a
A. 4. B. 5. C. 6. D. 8.

@ Cau 12. Biét phuong trinh 3*.5%" = 15 ¢6 hai nghiém thuc phan biét xi;x2. Tinh tich

X1:X2.

A. x1-x9 =logs5. B. x1-x2=-logs5. C. x1-29=1+1logg5. D. x1-x2=1-1logs5.
@ CAu 13. X4c dinh sb nghiém ctia phuong trinh 3@~ D@"+2) = gx-1,

A. 1 B. 3. C. Vo6 nghiém. D. 2.

@ CAu 14. Tinh tich cic nghiém ctia phuong trinh 24 = 552,
A. 2+2logy5. B. 2. C. 4+logy5. D. —4+1logy25.

193 Suu tam va bién soan



5. PHUONG TRINH MU - PHUONG TRINH LOGARIT ¥ GV: Doan Thinh

@ Cau 15. Goi x1,x2 14 hai nghiém ctia phuong trinh 2% = 3 Tinh S = X1+ X9.
A. S =1logs2. B. S=5. C. S=0. D. S =1log, 3.

@ Cau 16. Cho phuong trinh 9*-6-3*"1 -3 =0. Khi dit ¢ = 3%, ta dudc phuong trinh nao sau
day?
A. 2t2-3=0. B. t2-2t-3=0. C. 2-t-3=0. D. 2-6t-3=0.

@ Cau 17. Phuong trinh 32**1 —4.3* + 1 =0 c6 hai nghiém x;, xo trong d6 x; < x2, chon phéat
biéu dung.
A. x1x9 = —1. B. 2x1+x9=0. C. x1+2x9 =—1. D. x1+x9=-2.

@ Cau 18. Goi x1,x9 13 hai nghiém ctia phuong trinh 9% —4.3* + 3 = 0. Biét x; < x9, tim x1.
A. x1:0. B. x1:1. C. x1:—1. D. x1:2.
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A

ecC
A.

u 19. Tich tit ca cac nghiém cta phuong trinh 51 + 537 =26 1a
4 B. 3. C. 2. D. 8.

@ Cau 20. Phuong trinh 250°% 1 300s** = 4. 35in”% ¢4 hao nhiéu nghiém thude [-2017;2017].
A. 1284, B. 4034. C. 1285. D. 4035.

@ Cau 21. S6 nghiém ctia phuong trinh 6-9*—13-6%+6-4* =0 la
A. 0 B. 2. C. 1. D. 3.
@ Cau 22. Phuong trinh 9% + 6% = 2-4* ¢6 nghiém
A. x=2. B. x=0. C. x=3. D. x=1.

@ Cau 23. Goi a 1a mot nghiém cta phudng trinh 4 -2208x _ glogr _18.32legx — 0. Khang dinh
nao sau day 1a ding khi danh gia vé a?
A. (a-102=1.
logx 9
B. a cing la nghiém cta phuong trinh (5) =—.

4
C. a%2+a+1=2.
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D. a =102

@ Cau 24. Tinh tong T tat ca cac nghiém ctia phuong trinh 4-9% - 13-6*+9-4* = 0.

13 1
A. T=2. B. T=3. C. T=—. D. T=-.
4 4
@ Cau 25. Tim tich tAt ca cdc nghiém ctia phuong trinh 4-3108(1005%) 4 9. 4log(102) = 13.gl+logx
A. 1 B. 0,1. C. 100. D. 10.

@ Cau 26. Cho phuong trinh (3+2v2)"-2(v2-1)"=3. Pat t = (vV2-1)" ta thu dugc phuong
trinh nao sau day?
A. t2-3t-2=0. B. 263+3t2-1=0. C. 2t3+3t-1=0. D. 2t2+3t-1=0.

@ Cau 27. Tu phuong trinh
(3+2\/§]x—2(\/§—1)x =3

dat ¢ = (v2-1)" ta thu dudc phuong trinh nao sau day?
A. ?-3t-2=0. B. 2t3+3t2-1=0. C. 2¢2+3t—-1=0. D. 2¢3+3t-1=0.
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@ Cau 28. Phuong trinh (v2-1)"+(v2+1)" -2v2 =0 c6 tich cac nghiém la
A. -1 B. 2. C. 1 D. o.

@ Cau 29. Phuong trinh (vV2+ 1)36_1 +(vV2- 1)96_1 =2 c6 bao nhiéu nghiém thuc.
A. 1 B. 2. C. o. D. 3.

@ Cau 30. Bat phuong trinh (2+v/3)* +(7+4v3)(2—-/3)* < 4(2++/3) c6 tap nghiém la doan [a;b].
Khi d6 b —a bang
A. 0. B. 3. C. 1. D. 2.

@ Cau 31. Tim tat ca cac gia tri thuc cua tham s6 m dé phudng trinh 3* = m c6 nghiém
thuc.
A. m=>=1. B. m=0. C. m>0. D. m #0.
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x+1
@ Cau 32. Tim tat ca cac gia tri thuc ciia tham sé m d€ phuong trinh (5) =m—1 c6 nghiém

thuec.
A, m>1. B. m=>1. C. m<1. D. m #1.

@ Cau 33. Cé6 bao nhiéu gia tri nguyén ctia tham sé m dé phuong trinh 4*—m2**1+(2m?2-5)=0
c6 hai nghiém phéan biét?
A. 1. B. 5. C. 2. D. 4.

@ Cau 34. Tim tap hop tt ca céc gia tri cia m dé phudng trinh 4% — m2**! + 3m —3 =0 c¢6 hai
nghiém trai dau.
A. (—00;2). B. (1;+00). C. (1;2). D. (0;2).

@ Cau 35. C6 bao nhiéu gia tri nguyén duong ctia tham sé6 m dé phuong trinh 9% —2-6% +
(m—2)-4* =0 c6 nghiém dudng?
A. 1. B. 2. C. 4. D. 3.

@ Cau 36. C6 bao nhiéu gia tri nguyén duong ctia tham sé m dé tap nghiém ctia phuong trinh
(7+3V5)* + m(7 - 3V5)* = 2**3 ¢6 ding hai phan tu?
A. 15. B. 16. C. 17. D. 14.
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@ Cau 37. Co s6 x bang bao nhiéu dé log, V3 =-0,1.

1 1
A. x=-3. B. x=—. cX==. D. x=3.
x=-3 x=-g C. x 3 x=3
@ Cau 38. Cho ham s6 f(x) = logs(x? — 2x). Tap nghiém S ctia phuong trinh f/(x) =0 la
A S=0. B. S={1+v2;1-v2}.
C. S={0;2}. D. S={1}.

@ Cau 39. Tim tap nghiém S ctia phuong trinh log, (x —2) = 2.

A. S ={16}. B. S={18}. C. S={10}. D. S ={14}.
@ Cau 40. Tim nghiém cta phuong trinh log, (x — 1) = 3.

A. x=9. B. x=17. C. x=8. D. x=10.
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@ Cau 41. Tim tap nghiém S ctia phuong trinh log, (x +4) = 4.
A. S

={-4;12}. B. S={4}. C. S={4;8)}. D. S ={12}.

@ Cau 42. Nghiém ctia phuong trinh logyx = 3 12

A. x=9. B. x=6. C. x=8. D. x=5
@ Cau 43. Tim tat ca cac nghiém ctia phuong trinh log,(x — 5) = 4.

A. x=21. B. x=3. C. x=11. D. x=13.
@ Cau 44. Tim nghiém cta phuong trinh logs(3x —2) = 3.

A.x:§. B.x:E. C.x:§. D. x=387.

3 3 3

@ Cau 45. Phuong trinh log, x +logy(x — 1) = 1 ¢6 tap nghiém la

A. {-1;3}. B. {1;3}. C. {2}. D. {1}.
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@ Cau 46. Tim tat ca cac gia tri thuc cla x théa man dang thic logsx = 3logs 2 + logy 25 —

log /53.
20 40 25 28
A, —. B. —. C. —. D. —.
3 9 9 3
@ Cau 47. S6 nghiém ctia phuong trinhlog, x.logs(2x — 1) = 2log, x 12
A. 2. B. 0. C. 1. D. 3.

@ Cau 48. Tong binh phuong cac nghiém cta phuong trinh logq (x2—5x+7) = 0 bang
1

2
A. 6. B. 5. C. 13. D. 7.
@ Cau 49. Tong cac nghiém ctia phuong trinh log, x? —log,3 =112
A. 6 B. 5. C. 4. D. 0.
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@ Cau 50. S6 nghiém ctia phuong trinh (x + 3)logy(5 — x%) = 0.
A. 2. B. 0. C. 1. D. 3.

@ Cau 51. Tong tt ca cac nghiém cta phuong trinh (2x2 — 5x + 2) [log, (7x — 6) — 2] = 0 bang
X

17 19
A, —. B. 9. . 8. D. —.
2 9 C. 8 2

@ Cau 52. Goi T la tong gid tri tht ca cac nghiém ctia phuong trinh log; (logs x - logg x - loggy x - loggy x) =
2 N
logs (g) Khi dé T -9 bang

82 80
AO . B. . . . .
5 5 C.9 D

O|

@ Cau 53. Cho phuong trinh 2logs(x3 + 1) = logg(2x — 1)? + log s+ 1). Téng cac nghiém cta
phuong trinh l1a
A. 2. B. 3. C. 4. D. 1.

@ Cau 54. Phuong trinh log?x —logx — 2 = 0 ¢6 bao nhiéu nghiém?
A.1 B. 2. C. 3. D. o.
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(4 55 Tim tap nghlem S ctia phuong trinh log, x + 3log, 2 = 4.

Cau
A. S={2;8}. ={3;4}. C. S={4;16}. D. S=02.

@ Cau 56. Tim tap nghiém ctia phuong trinh loggx + Togs =3.
X
A. {1;2}. B. {%;3}. C. {%;9}. D. {3;9}.

57. Tinh tong cidc nghiém ctia phuong trinh logg x—3logyx+2=0.
B. 2. C. 8. D. 6.

>o

@ Cau 58. Tich cac nghiém ctia phuong trinh logx(125x)log§5x =1 bang
7 630

A B. Y c. L. D. 630.
%5 625 125
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N % . 2 1 1 , A %
@ Cau 59. Biét phuong trinh log; ki = 2logs (? - F) c6 nghiém duy nhat x =a +5v2
x x
trong d6 a,b 1a cac sb6 nguyén. Tinh 2a + 3b.
A. 10. B. 12. C. o. D. 5.

n . Lz , 4b - e .
@ Cau 60. Cho a,b la cac so6 duong thoa log, a =loges b = log ? Gia tri caa % la
3 5 3—v5H
A. 6-2V/5. B. +8‘/_. C. 6+2vV5. D. 8‘/_.
@ Cau 61. Tim nghiém ctia phuong trinh log, 2018x = 3.
4 32
A. x=3+1log,2018. B. x=——. C. x=3-1og,2018. D. x= .
TToTI08 ¥~ 1009 rToT 08 *= 2018
@ Cau 62. S6 nghiém ctia phuong trinh log, (x2 —x +3) =2 1a
A. 2 B. 1. C. o. D. 3.

@ Cau 63. Tinh tong tat ca cac nghiém thuc ctia phuong trinh log,(3-2°—1)=x—1.
A. -6. B. 5. C. 12. D. 2.
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A

@ Cau 64. Tong tat ca cac nghiém cia phuong trinh logy(3-2° — 1) = 2x + 1 bang
3 1
A. —. B. -. . -1 D. 0.
2 2 C

@ Cau 65. Goi P 1a tong tat ca cac nghiém ctia phuong trinh logy(3-2%—1) = 2x+1. Tinh P.

A. P=0. B. P=-1. C.P:g. D. P=—.

DO | =

@ Cau 66. Tim tap nghiém cta phuong trinh logyx = —x +86.
A. {4}. B. {2;5}. C. {3}. D. ©.

~ . , 2, o ‘A . . 1
@ Cau 67. Tinh tich tat ca cac nghiém thuc cia phuong trinh log, (2— +x) +2% 4 = B,
x

A L B. o. C. 2. D. %
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@ Cau 68. S6 cac gia tri nguyén ctia tham s6 m dé€ phuong trinh log 5 (x — 1) = logy (mx —8) ¢6
hai nghiém thuc phan biét la:
A. 3. B. 4. C. 5. D. V6 sb.

@ Cau 69. Héi c6 bao nhiéu gia tri m nguyén trong doan [-2017;2017] dé phuong trinh
logs m +logs x = 2logs(x + 1) ludn c6 hai nghiém phan biét?
A. 4015. B. 2010. C. 2018. D. 2013.

@ Cau 70. Tim cac gid tri thyc ctia tham s6 m dé phuong trinh log2x —2mlogyx+2m —1=0 c6
hai nghiém thuc x1,xo thoa man x;xe < 64.
A. me(-o0;6). B. m € (~o0;3). C. me(—o00;6)\{1}. D. m e (-o00;3)\ {1}.

@ Cau 71. D€ phuong trinh logZx — 2mlogyx +3m —2 = 0 ¢6 hai nghiém phan biét thi gia tri
cia m la
m<1

. B. m<1. C. m>2. D. 1<m<?2.
m>2
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@ Cau 72. Tat ca cdc gia tri cia m dé€ phuong trinh logZx — (m +2)loggx +3m —1 =0 ¢6 hai
nghiém x1,x9 sao cho x1xe = 27.
28 4
A.m:?. B.ng. C. m =25. D. m=1.

@ Cau 73. Tim tat ca gia tri cia m dé phuong trinh logZx + \/logZx+1-2m —1=0 ¢6 it nhat
mot nghiém thudc doan [1;3‘/5].
A. 1=m<16. B. 4<m<8. C. 3=m=<s. D. 0sm<=2.
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BAIO6.  BAT PHUONG TRINH MU - BAT PHUONG
TRINH LOGARIT

@ TOM TAT LY THUYET
€)  BATPHUONG TRINH M0 CO BAN

Pinh nghia 1. B4t phuong trinh mii co ban c6 dang o® > b (hoéic a* = b, a* < b, a® < b) Vi
a>0,a#1.

(1) Xét bat phuong trinh dang o* > b (dang o* = b giai tuong tu)
— Néu b <0, tap nghiém cta bat phudng trinh 1a R.
— Néu b >0, khi d6
V6ia>1,tacoa*>box>log,b.
V6i0<a<1,tacoa*>box<log,b.
(2) Xét bat phuong trinh dang o* < b (dang a* < b giai tudng tu)
— Néu b <0, bat phuong trinh vo nghiém.
— Néu b >0, khi d6
V6ia>1,tacoa*<box<log,b.
V6i0<a<1,tacéoa*<box=log,b.

€)  BAT PHUONG TRINH LOGARIT

(1) Béat phuong trinh logarit cd ban
Pinh nghia 2. B4t phuong trinh logarit co ban c¢6 dang log, x > b (hoac log, x = b,
log,x < b, log, <b) véia>0,a # 1.
Xét bat phuong trinh log, x > b. (1)
— Truong hop a > 1: (1) © x > ab.
— Trudng hop 0<a<1: (1) ©0<x<a’.
(2) Mot sb bat phuong trinh logarit don gian
Mot sb cach giai bat phuong trinh logarit don gian.
— Dua vé bat phuong trinh logarit cé ban.
— Dat 4n phu.
— M hoéa.
— St dung tinh don diéu ctia ham s, danh gia, bat déng thic.

(® CACDANG TOAN
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€¢)  BATPHUONG TRINH MU.

( )

(3 Dang 1. Bat phuong trinh mi co ban

(1) Xét bat phuong trinh dang a* > b (dang o* = b gidi tuong tw)
— Néu b <0, tip nghiém ctia bat phuong trinh la R.
— Néu b>0, khi dé
Véi a>1, ta co a* > b < x>log, b.
V6i 0<a <1, tacoa*>box<log,b.
(2 Xét bat phuong trinh dang a* <b (dang a* < b gidi tuong tw)
— Néu b <0, bat phuong trinh vé nghiém.
— Néu b>0, khi dé
Véi a>1, ta co a* <b o x <log, b.
VGi0<a<1,tacéa*<b<ox=log,b.

Vi du 1. Tim nghiém ctia bat phuong trinh 3* <9.

Loi giai:

................................................................................................

On

(D Dang 2. Phuong phép dua vé cling co s

D) Véia>1, a® <af® o f(x) < g(x).
@ Vi 0<a<1, af® <af® & f(x) = g(x).

Vi du 1. Tim nghiém ctia bat phuong trinh 372 < 243

Loi giai:

................................................................................................

[ Dang 3. B&t phuong trinh mi bang phuong phdp dat én phu

Pat t =a*(t>0).

Vi du 1. Tim tap nghiép ctia bat phuong trinh 9% - 3% -6 > 0.

Loi giai:

................................................................................................
................................................................................................

prem—

(3 Dang 4. Phan tich thanh nhan |

— Bién déi mot vé ciia bat phuong trinh vé dang tich, vé con lai bang 0 hodc hang sé.
— Dung kién thiic da hoc dé gidi quyét bai todn.
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Vi du 1. Cho ham s6 y = x-e~*. Tim nghiém ctia bat phuong trinh y' > 0.

Loi giai:

................................................................................................

€) BATPHUONG TRINH LOGARIT

~ a

[ Dang 5. Gidi bat phuong trinh logagit dang co bén

b

O<u<a’neua>1

u>abnéuo<a<l.

u>alnéua>1

b

— log,u<be

— log,u>b<o

O<u<a’neul0<ax<l.

Vidu 1. Tim tap nghiém S caa bat phuong trinh logs(2x —3) > 1.

Lai giai:

------------------------------------------------------------------------------------------------

(0]

[ Dang 6. Gidi bat phuong trinh logagit béing cdch dua vé cliing co' s

Dung bién déi logarit dé dua vé cung co sb.

O<u<vneua>1
log, u <log,v & P
u>v>0néulO<acx<l.

Vi du 1. Tim t4p nghiém ctia bat phuong trinh log 1 (x? +2x —8) = —4.

Loi giai:

................................................................................................
................................................................................................
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[ Dang 7. Phuvong phdp dét én phu trong bét phurong trinh logarit

Tim mot log, f(x) chung, dat lam én phu t dé dua bat phuong trinh vé bat phuong trinh
theo Gn t, gidi b4t phuong trinh nay tim t sau dé tim x.

. ATA av . 1 1
Chu y: Neu ddt ¢ =log, x thi loga; x=—t, log,2x = §t’ log? x = (log, x)? = ¢2, log, a = ’

Vi du 1. Tim tap nghiém cta bat phuong trinh logg x—4logyx+3>0.

Loi giai:

................................................................................................
................................................................................................

@® TRAC NGHIEM

x—1 —-x+3
@ Cau 1. Tim tap nghiém cia bat phuong trinh (%) > (g) .
A. (2;+00). B. (—o0;2). C. [2;+00). D. (—o0;2].

@ Cau 2. Giai bat phuong trinh (v10-3)" > V10 + 3 ta dugdc két qua nao sau day?
A. x<1. B. x>1. C. x<-1. D. x> -1.

@ Cau 3. Bat phuong trinh 3* <9 c¢6 nghiém la
A. x<2. B. x<3. C. 0<x<?2. D. 0<x<3.
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@ Cau 4. Tap nghiém ctia bat phuong trinh 3*>9 1a

A. (2; +o0). B. (0;2). C. (0; +00). D. (-2; +o0).
@ Cau 5. Nghiém ctia bat phuong trinh 32 <243 1a

A. x<7. B. x<7. C. x=17. D. 2<x<7
@ Cau 6. Giai bat phuong trinh logs(x — 1) > 2.

A. 0<x<10. B. x>=10. C. x<10. D. x> 10.
@ Cau 7. Tap nghiém ctia phuong trinh 22 < (i) 1a

A. S=(-00;2). B. S=(1;+00). C. S =(2;+00). D. S =(-o0;1).

p 1\*

@ Cau 8. Tap nghiém ctia bat phuong trinh 2**2 < (Z) 1a

A. (-00;0). B. —§;+oo . C. (0;+00)\ {1}. D (—oo;—g).

212
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@ Cau 9. Tap nghiém ctia bat phuong trinh 8-4%*1-18.2+1<0 la

11
A. (2;4). B. (1;4). C. (-4;-1). D. (1_6’5)
@ Cau 10. B4t phuong trinh 9% — 3* —6 > 0 ¢6 tip nghiém la
A. (—o0;—-1). B. (1;+00). C. (-1;1). D. (—o0;1).

@ Cau 11. Tap nghiém ctia bat phudng trinh 2-4°—5-2*+2 <0 ¢6 dang S =[a;b]. Tinh gi4 tri
cia biéu thic b —a. 5

A. 7 B. 1. C. 3 D. 2.

@ Cau 12. Tap nghiém ctia bat phuong trinh 2% +2*+1 < 3% 4 3v-1
A. x€[2;+00). B. x€(2;+00). C. x€(—00;2). D. (2;+00).
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4 1\* 2x
@ Cau 13. Tap nghiém ctia bat phuong trinh (5) > 35T la:

x< -2
A. x<-2. B. -1<x<0. C. -1=x<0. D. .
-1<x<0
@ Cau 14. Tap nghiém cua bat phuong trinh 16 —4* —6 < 0la
A. x<log,3. B. x>log,3. C. x=1. D. x=3.
. X
@ Cau 15. Tap nghiém ctia bat phuong trinh 35 < 3 la:
x>1
A. x>logs2. B. x<1. C. logg2<x<1. .
x <logs 2

@ Cau 16. Tap nghiém ctia bat phuong trinh 11V*+6 > 11* 1a:
A. x<-86. B. -6<x<3. C. x>3. D. o.

’ 5 x“—x+1 5 2x—1
@ Cau 17. Cho bét phuong trinh (§) S (E

dang S = (a;b). Gi4 tri ctia biéu thiic A = b —a nhén gia tri ndo sau day?

, tap nghiém cua bat phuong trinh c6
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A. 1. B. 2. C. 1. D. -2.

@ Cau 18. Tap nghiém ctia bat phuong trinh 4°-3.2+2> 0 la:

A. x€(—00;0)U(1;+00). B. x€(—00;1)U(2;+00).
C. x€(0;1). D. xe€(1;2).
2\: (2}
@ Cau 19. Tap nghiém ctia bat phuong trinh (—)xs —) la
Ld AP Nghie p g NG NG
A. (O;l]. B. (0;1). C. (—oo,ll. D ( oo; — | U(0; +00)
3 3 3

@ Cau 20. Cho f(x) =x%e~%, bat phuong trinh f'(x) = 0 ¢6 tap nghiém la
A. (2;+00). B. [0;2]. C. (-2;4]. D. (4;+00).

@ CAu 21. Cho bAt phuong trinh 2°°+% + 2x < 23-* — %2 + 3 ¢6 tap nghiém 1a [a;b],a < b. Gi4 tri
ciaT=2a+bla
A. T=1. B. T=-5. C. T=3. D. T=-2.
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@ Cau 22. Tim tat ca cac gia tri ciia tham s6 m dé bat phuong trinh 4! — m(2*+1) > 0 ¢c6
nghiém véi Vx € R.

A. m e (-o0;0]. B. m € (—00;0).

C. me(—oc0;1). D. m € (—00;0)U (L +00).

@ Cau 23. Tat ca cac gia tri cia m d€ bat phuong trinh 3m +1)-18*+(2-m)-6*+2% < 0 ¢
nghiém dang Vx >0 la

A. (-00;2). B. (—2;—%). C. (—oo;—%). D. (—o0;-2].

@ Cau 24. Tim tap nghiém S ctia bat phuong trinh logs(2x — 3) > 1.
1
A. S=(1;+00). B. S= (6;+oo . C. S =(2;+00). D. S =(3;+00).

@ Cau 25. Tap nghiém cta bat phuong trinh logx =1 1a
A. (10;+00). B. (0;+00). C. [10;+00). D. (—o0;10).
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@ Cau 26. Tap nghiém cta bat phuong trinh logs (13 -x2) > 2 14

A. (—00;-21U[2: +00). B. (—o0;2].
C. (0;2]. D. [-2;2].
@ Cau 27. Tap nghiém cta bat phuong trinh logs (36 —x2) = 3 1a
A. (—o00;-3]U[3;+00). B. (—o0;3]. C. [-3;3]. D. (0;3].

@ Cau 28. Tap nghiém cta bat phuong trinh logs (18 -x2) > 2 14
A. (—o0;3]. B. (0;3]. C. [-3;3]. D. (—00;-3]1U[3;+00).

@ Cau 29. Tap nghiém ciia bt phuong trinh logs (log% x) <1la

A. (0;1). B. (1;1). C. (1;8). D. (l;3).
8 8
@ Cau 30. Tap nghiém cta bat phuong trinh log, (x2 - 2x+3) >11a
A. R\{1}. B. R. C. {1}. D. ©.
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@ Cau 31. Tap nghiém cta bat phuong trinh log 1 2x-1)>-11a

3 3 13 3
A. (1,5) B. §,+OO). C. (5,5) D. (—00,5).
@ Cau 32. Giai bat phuong trinh log% (2x—1)> 2 ta dudc
1 25 25 1 . 25 1
A. §<x<3—2. B.x>3—2. C.x<§h0acx>3—2. D.x>§.
@ Cau 33. Tap nghiém cta bat phudng trinh 3 <log,x <4 1a
A. (8;16). B. (0;16). C. (8;+00). D. R.
@ Cau 34. Tim tap nghiém S cta bat phuong trinh logy 5 (2x—1)> -2
15 15 5 5
A. S=|=;=|. B. S=|-;-]|. . S=[-00;=]. . S=|=; .
s=[17) s=[12) ese[wd) Dos=[lied
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@ Cau 35. Tap nghiém ctia bat phuong trinh log ! x?=-11a

A. [V2;+00). B. [-v2;0)u(0;v2]. C. [-V2;V2]. D. (0;v2].
@ Cau 36. Tim tap nghiém S cta bat phuong trinh: log 1 2 7> 2.
.
A. S=(1;1+V2). B. S=(1;9). C. S=(1+Vv2;+00). D. S=(9;+c0).

@ Cau 37. Tim tap nghiém ctia bat phuong trinh log ! (x2—38x+2) > -1.
A. (—oc0;1). B. [0;1)U(2;3]. C. [0:2)U(3;7]. D. [0:2).

@ Cau 38. Tap nghiém ctia bat phuong trinh log 1 (x—1)=01la

A. (1;2). B. (1;2]. C. (~00;2]. D. [2;+00).
~ ~ N 5 A N 4x+6 R
@ Cau 39. Tap nghiém ctia bat phuong trinh log, <0la
X
A. S= [—2;—;). B. S=[-2;0). C. S =(-00;2]. D. S:R\[—S;O].

219 Suu tam va bién soan



6. BAT PHUONG TRINH MU - BAT PHUONG TRINH LOGARIT ¥ GV: Doan Thinh

@ Cau 40. Bat phuong trinh logs (2x% —x+1) <0 ¢6 tap nghiém la
A. S:(O;ﬁ). B. S:(—1;§).
2 2

C. S:(—oo;O)U(%ﬁoo). D. S=(-o0;1)U

—;+oo).
2

@ Cau 41. Tap nghiém cta bat phuong trinh log 1 (logy (2x—1)) >0 1a

A. S:(l;§). B. S:(O;§). C. S=(0;1). D. S:(§;2).
2 2 2
@ Cau 42. Khang dinh nao duéi day 1a sai?
A. logx=0ox=>1. B. logsx<0o0<x<1.
C.

log%a>log%b©a>b>0. D. log%azlog%béa:b>0.

@ Cau 43. Tim tat ca cac gid tri thuc ctia x d€ d6 thi ham s6 y =log) 5x ndm phia trén dudng

thang y = 2.
1 1 1 1
A. x=>-—. B. O0<x=<-. C. O0<x<-. D. x>-.
4 4 4 4
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@ Cau 44. Bat phuong trinh log% f(x) > log 1 g(x) tuong dudng véi diéu nao sau day?
A. f(x)<gx). B. g(x)> f(x)=0. C. glx)> f(x)>0. D. f(x)> g(x).

@ Cau 45. Tim tap nghiém ctia bat phuong trinh log(2x — 1) > 1.

A. (%;+oo). B. (—o0;2). C. (2;+00). D. [1;+00).

@ Cau 46. Tim tap nghiém cta bat phuong trinh log %(xz +2x—8) = —4.
A. (—4;2). B. [-6;4). C. [-6;-4]uU[2;4]. D. [-6;-4)u(2;4].

@ Cau 47. Tim tat ca cac gia tri clia x théa man bat phuong trinh logz (x2-3x) < logz (x +4)
la

A. 2-2V2<x<2+V2. B. 2-2v2<x<0.
—4<x<2—2\/§ D x<2—2\/§
x>2+2V2 ' T lx>2+2v2

@ Cau 48. Bat phuong trinh log, (x + 7) > log, (x + 1) ¢6 bao nhiéu nghiém nguyén?
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A. 1. B. 2. C. 4 D. 3.

@ Cau 49. Tim tap nghiém S cta bat phuong trinh log 1 (x—1)+logg(11—2x) = 0.
11
A. S=(1;4]. B. S =(-o0;4]. C. S= (3;3). D. S =(1;4).

@ Cau 50. Tim tap nghiém ctia bat phuong trinh loggx —4logox+3>0.
A. (1;8). B. (—o0;1)U(8;+00). C. (8;+00). D. (0;2) U (8;+00).

@ Cau 51. Khi dat ¢ = logsx thi bat phuong trinh logg (5x)—3log, zx—5 <0 tuong dudng véi bat
phuong trinh nao sau day?
A. 2-6t-4<0. B. t2-6t-5<0. C. t2-4t-4<0. D. t>-3t-5<0.

p p 2\* 2
@ Cau 52. Cho bat phuong trinh 12-9* —35-6* +18-4* > 0. Néu dit ¢ = (5) véi ¢ > 0 thi bat

phuong trinh da cho tré thanh bat phuong trinh nao trong cac bat phuong trinh duéi day?
A. 12¢2-35¢+18>0. B. 18/2-35¢+12>0. C. 12¢2-35t+18<0. D. 18t2-35¢+12<0.
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@ Cau 53. S6 nghiém nguyén ctia bat phuong trinh log g (15x +2) > log, g (13x + 8) la
A. Vb sb. B. 4. C. 2. D. 3.

@ Cau 54. Giai bat phuong trinh log, (3x — 2) > log, (6 — 5x) dudc tap nghiém la (a;b). Hay tinh

tong S =a +b.
A.S:%. B.S:E. C.S—28

8
=—. D. S=—.
5 5 15 3

@ Cau 55. C6 tit ca bao nhiéu s6 nguyén x théa man bat phuong trinh logq [logy (2 - x2)] >

2
0?
A. V6 sb. B. 1. C. 0. D. 2.
@ Cau 56. Bat phuong trinh log, (x + 7) > log, (x + 1) ¢6 bao nhiéu nghiém nguyén
A. 3. B. 1. C. 4. D. 2.
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N

@ Cau 57. S6 nghiém nguyén cta bat phuong trinh logy (x? +2x-8) > -4 12

2
A. 6. B. Vb so. C. 4. D. 5.
) . 1 2x%—3x—17
@ Cau 58. S6 nghiém nguyén ctia bat phuong trinh (5) > 3221 13
A 7. B. 6. C. vb sb. D. 8.
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CHUONG 3/ NGUYEN HAM - TiCH PHAN - UNG
DUNG

BAI 1. NGUYEN HAM
@ TOMTAT LY THUYET
4) DINH NGHIA NGUYEN HAM.
Cho ham s6 f(x) xac dinh trén k. Ham s6 F(x) dudc goi 14 nguyén ham ctia ham sbé f(x)
trén k néu F'(x) = f(x), Vx € k.
€)  TiINH CHAT CUA NGUYEN HAM.

O ff’(x)dxzf(x)+C.
O fkf(x)dx:kff(x)dx vloi k #0.
O f[f(x)ig(x)]dx:ff(x)dxifg(x)dx.

€) BANG NGUYEN HAM CUA MOT 56 HAM SO THUONG GAP

Nguyén ham Nguyén ham mé rong
@dex:C fkdxzk-x+C
a+l1 1 a+1
@fx“dx—a+1+Ca;é -1 f(ax+b)“dx:—-(axa+bi+0,a;é—l
a
dx 1 1
—dx=--+C ——=,
®fx2 * x+ f(ax+b)2 a ax+b

1 amx+n

MAtn gy = —
m_Ina

- [

(5) | e*dx=e"+C f““bdx— eax+b+C
1

@f—dx:lnleC
x

a +C

lnlax+b|+C

ax+b .
cos(ax+Db) dx == sin(ax+b)+C

@ fcosxdx =sinx+C

1
=—tan(ax+b)+C
a

1
©) f[cosz dx =tanx+C

cos?(ax +b) (ax + b)

=——cot(ax+b)+C
sin (ax+b) a

=—cotx+C

fsinxdx:—cosx+C fsm(ax+b)dx——%cos(ax+b)+C

s1n x
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(® CACDANG TOAN.

s )

[ Dang 1. Tinh nguyén ham bdng b&ng nguyén ham

Phuong phap giai

™ Tich cia da thitc hodc liy thia
& Tich cac ham mi i
& Chiia can

& Tich luong gidc bdc mot cua sin va cosin
tong.

khai trién.

khai trién theo cong thiic mii.

chuyén vé liy thia.

Sut dung cong thuc tich thanh

— sinacosb = 3 [sin(a + b) + sin(a — b)].
1
— sinasinb = 2 [cos(a — b) — cos(a + b)].

1
— cosacosb = 3 [cos(a + b) + cos(a — b)].

2 2

o N . .. 1 1 1 1
& Bdc chan ctia sin va cosin = Ha bdc: sin“x = — — = cos2a, cos®x = 5 + 5 cos 2a.
. P ) . .
& Nguyén ham cua ham so hitu ty I = f %dx, vdi P(x), Q(x) la cdc da thic.
X

A A 2 2 A A 2 X A PP
e Neéu bdc cua tw so P(x) = bdc cua mau so Q(x)

pp

Chia da thic.

e Néu bdc clia tiz s6 P(x) < bdc ctia mdu sé6 Q(x) Phén tich mdu sé Q(x)
thanh tich so, réi st dung dong nhdt thicc dua vé dang tong ciia cdc phdn so (PP che).

L A, _BrrC  sia=b2o4
= : =b“—4ac.
(x—m)ax2+bx+c) x-m ax2+bx+c
A B C D

—0)2x-b2 z-a (-aP x-b (x-b2

Nhan xét. Néu mdu khong phan tich dudc thanh tich sé tim hiéu é phan doi bién.

Vi du 1. Tim nguyén ham F(x) cia ham sé f(x) (gia sit diéu kién dudc x4c dinh), biét

a2, 1 3 5
®f(x)_3xz+3x © 1= 37+ Garap .
@ =680+ 1) @ f()=sin(2x+8) - 2cos (3~ 7

— 3, - _ =
@ f(x) =32 +x x2 f(x):sin(—7x+n)+5cos(£—x)
@ fx)=(2x+3) +e2+3 5 g 12

4 -

®) fx)=06Gx-1)7>+ © 7 sjn2(2x)+cos2(6x)

5x—-2

Loi giai:

................................................................................................
................................................................................................
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................................................................................................

Vi du 2. Tim mét nguyén ham F(x) ctia ham sb f(x) théa man diéu kién F(x,) = k.
(1) Tim mot nguyén ham F(x) ctia ham s6 f(x) = 3x® —2x2 + 1 théa man F(-2) =3
(2 Goi F(x) 12 mot nguyén ham ctia ham s6 f(x) = —5x* +4x% -6 théa man F(3) = 1. Tinh
F(-3)
(3) Tim mét nguyén ham F(x) cia ham s6 f(x) = (1-x)° théa 10F(2)=9

Loi giai:

................................................................................................

................................................................................................
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€) PHUONG PHAP DOI BIEN

(3 Dang 2. Tim nguyén ham bang phuong phdp ddi bién sé

Pinh 1li 1. Cho ff(u)du =Fw)+C va u =u(x) la ham sé c6 dao ham lién tuc thi

ff[u(x)]u’(x)dx =Flu(x)]+C.

Mot s6 dang déi bién thuwong gap

'I:ff(ax'i'b)n'xdxw Dat t=ax+b= dt=adx.

x" mn h hd . .
(4 I:ff( ) dy 218 PACP Ddt t=ax"'+1= dt =an+ Dx"dx, vdi m,neZ.
ax"+t1+1

I:ff(ax2+b)”-xdxw Dt ¢ =ax®+b= dt = 2axdx.

1 I:f V@ f o) de ZEEPRD Bt = 2 /F0) = 17 = fx) > nt"LdE = £ () da.
'I:ff(lnx)-%dxw Dt tzlnx:dt:%dx.
I:ff(a+blnx)-%dxw> Dit t=a+blnx= dt= 2 dx.

! x
I:ff(ex)-exdx

PROMEPID, Pt ¢ = e = dt =¥ da

h ha o
I:ff(a+bex)-exdxm Dit t=a+be* = dt = be* dx
I:ff(cosx)-smxdxw Dat ¢t =cosx = dt = —sinxdx.
h had o .
I:ff(a+bcosx)-sinxdxpwnﬂ> Pat t=a+bcosx= dt = —bsinxdx.

[ } huong phd . }
I:ff(smx)-cosxdxw» DPat t =sinx = dt = cosxdx.

Qq

. huo hd o .
I:ff(a+bsmx)-cosxdxw> Dat t=a+bsinx = dt = bcosxdx.

«

d .
I:ff(tanx)- 326 e Dat t =tanx > dt =
cos? x
I:ff(cotx)-

5 dx = (1 +tan?x)dx.
z cos?x
X huong phd o
— primep pBatt:cotx:dt:— —
sin”x sin”®x

2y = dt= sin 2x dx;

Qq

dx = —(1 + cot? x)dx.

Qq

: . huong phd, _ |t=sin
I= ff(smzx;coszx)-stxdx el i e Dat 9

t=cos“x = dt = —sin2xdx.

Qq

X . huong phd, o . .
I= ff(smxicosx)-(smxicosx)dx BAROS BAGDS Pat t =sinx +cosx = dt = (cosx Fsinx)dx.

Sau khi déi bién va tinh nguyén ham xong, ta can trd lai bién cii ban dau la x. %

Vi du 1. Tim nguyén ham cta cdc ham s6 sau
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@ I:fx(1+x)2017dx. @) I= | tanxdx.

@I:fexdx ® I-=

e*—1

@I:fthxdx. ® I=

sin® x dx.

c0s?17 x - sinx dx

—_—— —

Loi giai:

................................................................................................
................................................................................................
................................................................................................

................................................................................................

€) PHUONG PHAP TUNG PHAN

[ Dang 3. Nguyén ham tirng phén

Dinh li 2. Néu hai ham s6 u = u(x) va v = v(x) ¢6 dao ham va lién tuc trén K thi

I:fu(x)v'(x)dx: u(x)v(x)—fu'(x)v(x)dx

I:fudv—fvdu.
Vian dung gidi toan:

& Nhdn dang: Tich hai ham khdc loai nhau. Vi du: f e* sinx dx, f xlnxdx, ...

hay

vi phdn
u=... — du=...

dv=...dx
& Thi tu uu tién chon u: nhét log, nhi da, tam luong, tit mi va dv = phan con lai.
& Luu y rang bdc cia da thiic va bdc ctia In tuong itng vdi so lan lay nguyén ham.
& Dang mii nhin luong gidc la dang nguyén ham tung phan ludn hoi.

. dx
™ Dat: { nguyén ham Suy ra: I :fudv =uv —fvdu.

Vi du 1. Tim nguyén ham cta cdc ham s6 sau
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@ I:flnxdx @ I:f(x+1)sin2xdx
@I:fxlnxdx @I:fxexdx
3 I:fxsinxdx ®) I:f(1—2x)exdx

Loi giai:

................................................................................................
................................................................................................
................................................................................................

@® TRAC NGHIEM

@ Cau 1. Nguyén ham ctia ham s6 f (x) = x3 + 3x + 2 12 ham s6 nio trong cac ham so6 sau?
4 2 4

A. F(x):xz+3%+2x+C. B. F(x):%+3x2+2x+C.
x4 x2
C. F(x):Z+E+2x+C. D. F(x)=3x2+3x+C.

@ Cau 2. Ham s6 F (x) = 5x% +4x% — 7x+ 120+ C 12 ho nguyén ham ctia ham s nao sau day?

A. f(x)=15x2+8x—7. B. f(x)=5x?+4x+1.
2 3 2
C. f(x):%+%—%. D. f(x)=5x2+4x—T.
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A A Ts s 1oz 1.
@ Cau 3. Ho nguyén ham ctia ham s6: y =x% —3x+ =14

X
3 3
X 3 4 X 3 4
A. F(x)—g—gx +lnx+C. B. F(x)—g—éx +ln’x‘+C.
2 3, 1
C. Fx)=—+—=-x“+Inx+C.. D. Fx)=2x-3-—=+C.
3 2 x2

@ Cau 4. Tim nguyén ham cta ham sé f (x) = (x + 1)(x +2)
3

2
A. F(x):%+§x2+2x+C. B. F(x)=2x+3+C..
3 3 3 )
C. F(x):x—+—x2+2x+C. D. F(x):x———x2+2x+C.
3 2 3 3

2 3 ... PO
+—+ — la ham so6 nao?

@ Cau 5. Nguyén ham F(x) ctia ham s6 f (x) =
5-2x x «x2

A. F(x):—ln‘5—2x)+2ln‘x‘—%+C.. B. F(x):—ln’5—2x‘+21n‘x‘+?—c+C.
C. F(x):ln‘5—2x‘+21n)x)—z+C. D. F(x):—ln’5—2x‘—21n‘x‘+§+c.

@ Cau 6. Tim nguyén ham ctia ham sb f (x) = sin2x
1 1
A. fsiandx:—500s2x+C. B. fsiandx250052x+C.

C. fsin2xdx =cos2x+C. D. | sin2xdx =—cos2x+C.
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@ Cau 7. Tim nguyén ham ctia ham sb f (x) = cos (3x + z).
A. ff(x).dx = sin(3x+ %) +C.

1 . b4
: B. ff(x)dx:—§s1n(3x+g)+0.
. 7
C. ff(x)dngsm(3x+g)+0.

1 . b4
D. ff(x)dx:gs1n(3x+g)+0.

@ Cau 8. Tim nguyén ham cta ham s6 f(x)=1+ tan?2 |

A. ff(x)dx :tang +C.

B. ff(x)dx:2tang+0.
1 X
C. ff(x)dx—itang—f-C

D. ff(x)dx - —2tang +C.

@ Cau 9. Tim nguyén ham cta ham sb f (x) = ;ﬂ
sin? (x+—)
3 1 b/
B. ff(x)dlegcot(x+§)+0.
i1
D. ff(x)dngcot(x+§)+0.

A. ff(x)dx:—cot(x+g)+0.

C. ff(x)dx :cot(x+g) +C.

@ Cau 10. Tim nguyén ham ctia ham s6 f (x) = sin®

X.COSX.
s 4 . 4
A. ff(x)dx: SH;’HC. B. ff(x)dx:—S“:1 *ic.
.. 9 - 2
C. ff(x)dx: SH; e D. ff(x)dx:—sm *ic.

232
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@ Cau 11. Tim nguyén ham ctia ham sb f(x) =e* —e~*.
A. ff(x)dx:—ex+e_x+C. B. ff(x)dx:ex+e_x+C.

C. ff(x)dx:ex—e_x+C. D. ff(x)dx:—ex—e_x+C.

@ Cau 12. Tim nguyén ham ctia ham sb f (x) = 2%.372%,

2\* 1 9\* 1
2\* 1 2\* 1
@ Cau 13. Ho nguyén ham ctia ham sbf (x) = e*(3+e7*) 1a
A. F(x):3ex+x1+C. B. F(x)=3e*+e*lne*+C.
C. F(x):3ex—e—x+C. D. F(x)=3e*—x+C.

@ Cau 14. Ham s6 F (x) = 7e® — tanx 12 mét nguyén ham ctia ham sé nao sau day?
1
A. f(x)=Te" + B. f(x)="7e*+tan’x—1.
C

os?x .
D. f(x):ex(7— - )
COS“X

C. f(x):7(ex—

coszx)'
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@ Cau 15. Tim nguyén ham ctia ham s6 f (x) = Ve%-2,

A. fﬂx)dx: %ez’“‘lw. B. ff(x)dx:ezx_1+C.
C. ff(x)dxz%e4x‘2+c. D. ff(x)dx=%~/e2x—1+c.

@ Cau 16. Nguyén ham ctia ham s6 £ (x) = — la
A. ff(x)dx:2M+c. B. ff(x)dx:\/ﬁw.
C. ff(x)dx: \/2’;—_1+C. D. ff(x)dx:—2\/2x——1+C.
@ Cau 17. Tim nguyén ham ctia ham s6 f(x) = \/31Tx
A. ff(x)dx:—2m+0. B. ff(x)dxz—\/ﬂw.
C. ff(x)dx:2m+0. D. ff(x)dx:—sx/ﬂw.

@ Cau 18. Tim nguyén ham ctia ham sb f(x) = v2x + 1.
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A. ff(x)dx:%(2x+1)\/2x+l+c. B. ff(x)dx:§(2x+l)v2x+1+C.
C. ff(x)dx:—%\/2x+1+c. D. ff(x)dx:%\/2x+1+C.

@ Cau 19. Tim nguyén ham ctia ham sb6 f (x) = v5 - 3x.

A. ff(x)dx:—§(5—3x)\/5—3x+c. B. ff(x)dx:—§(5—3x)\/5—3x.
C. ff(x)dx:§(5—3x)\/5—3x. D. ff(x)dx:—§v5—3x+0.

@ Cau 20. Tim nguyén ham ctia ham sb f(x) = Vx -2

A. ff(x)dxz%(x—Z)\/sx—2+C. B. ff(x)dx:—?—l(x—2)\/3x—2+0.
2
C. ff(x)dng(x—z)\/x—z. D. ff(x)dx:%(x—Z)_g +C.

@ Cau 21. Tim nguyén ham ctia ham s6 f (x) = V1- 3x.

A. ff(x)dx:—%(l—i%x)\/s 1-3x+C. B. ff(x)dx:—%(l—Sx)\/S 1-3x+C.
C. ff(x)dx:i(l—Sx)\/S 1-3x+C. D. ff(x)dx:—(1—3x)_§ +C.
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@ Cau 22. Tim nguyén ham ctia ham s6 f (x) = Ve3*.

3 2,/e3x
A. ff(x)dx—z\/ew+0. B. ff(x)dx— 3 +C.
3x+2
3Vedx 2e 2
C. ff(x)dx— 2 +C . D. ff(x)dx—m+0

@ Cau 23. Ham s6 F (x) = (x + 1)2V/x + 1+2016 12 mot nguyén ham ctia ham s nao sau day?

A. f(x):g(x+1)\/x+1+C. B. f(x)zg(x+1)\/x+1.
C. fx)=(x+1)vx+1+C. D. f(x):g(x+1)\/x+1.

+1 12 ham s F(x) théa man

@ Cau 24. Biét moét nguyén ham cta ham s6 f(x) =

1-3x
2 .
F(-1)= 3 Khi do F (x) la ham s0 nao sau day?
A. F(x):x—§\/1—3x+3. B. F(x):x—g\/1—3x—3.
2 2
C. F(x):x—g\/1—3x+1. D. F(x):4—§\/1—3x.

a

@ Cau 25. Biét F(x) = 61—« la m6t nguyén ham ctia ham sé f (x) = — Khi d¢ gia tri caa
-x
a bang
1
A. -3. B. 3. C. 6. D. 5
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@ Cau 26. Tinh F(x) = fxsinxdx bang

A. F(x)=xsinx—cosx+C. B. F(x)=sinx+xcosx +C.
C. F(x)=sinx—xcosx+C. D. F(x)=xsinx +cosx +C.

@ Cau 27. Tinh f xIn2xdx. Chon két qua diing:

=

1
A. ~x2(2In%x—2Inx+1)+C. B. §x2(2ln2x—2lnx+ D+C.

NN

1
C. —x22In2x +2lnx+ 1)+ C. D. §x2(21n2x+2lnx+ D+C.

@ Cau 28. Tinh F(x) = f rsinxcosxdx. Chon két qua ding:
1
A. Fx)= %sin2x— zcos2x +C. B. F(x)= Zcost - gsin2x +C.

1 -1
C. F(x)= Zsin2x+ gcos2x+C. D. F(x)= Zsian— gcos2x+C.

@ Cau 29. Tinh F(x) = f re¥dx. Chon két qua diing

A. F(x)=3(x—3)e3 +C. B. F(x)=(x +§,)e%+c.
C. Fo=""2ct+C. D. F(x)= "

X
es +C.
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# Cau 30. Tinh F(x)= | ——dx. Chon két qua diing
cos?x
A. F(x)=xtanx +In|cosx|+C. B. F(x)=—xcotx+In|cosx|+C.
C. F(x)= —xtanx+In|cosx| +C. D. F(x)=—xcotx—In|cosx|+C.

@ Cau 31. Tinh F(x) = f +2cosxdx. Chon két qua ding

A. F(x)=2x%sinx —xcosx +sinx + C. B. F(x) =x%sinx —2xcosx + 2sinx + C.
C. F(x)=(x*-2)sinx + 2xcosx + C. D. F(x)=(2x+x%)cosx —xsinx+C.

@ Chu 32. Tinh F(x) = f xsin2xdx. Chon két qua ding
1
A. Fx)= —Z(Qx cos2x —sin2x)+ C. B. F(x)= i(2x cos2x —sin2x)+C.

1 1
C. F(x)= —Z(2xc032x +sin2x) +C. D. F(x)= Z(Zxcost +sin2x) +C.

@ Cau 33. Ham s6 F(x) = xsinx + cosx + 2017 1a mét nguyén ham cta ham sé nao?
A. f(x)=xsinx. B. f(x)=xcosx. C. f(x)=—-xcosx. D. f(x)=—xsinx.
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1+1 1 .
@ Cau 34. Tinh f %dx. Khang dinh nao sau day l1a sai?
x
-1+1 1 1+1 1
A. *in(+ )+ln’ ad ‘+C. B. —mﬂn‘ ad ’+C.
1x x+1 1+19(c +1) x+1
C. -2 (1 +In(x+1) +Inlx|+C. D. —L—ln‘x+1‘+ln‘x‘+0.
x x
@ Cau 35. Hay chon ménh dé ding
a* x(x+1
A. faxdx: +C(0<a#1). B. fx“dx: +C YaeR.
Ina a+1

f(x)dx

C. ff(x).g(x)dx:ff(x)dxfg(x)dx. . = .
g(x) fg(x)dx

@ Cau 36. Ménh dé nao sau day sai?
1
A. fsinxdx:cosx+C. B. f—dlen‘x‘+C,x#O.
X

X

C. faxdx: +C,0<a#1). D. fexdx:ex+C.

a
Ina

B 1
@ Cau 37. Ham s6 f (x) =x® —x2 + 3+ = c¢6 nguyén ham la
X
3

1
A. F(x):x4—%+3x+ln’x’+0. B. F(x)=3x2—2x——2+C.
X
4 3 PR/
C. Fx)=x*—x +3x+ln‘x‘+C. D. F(x):z—§+3x+ln‘x)+c.
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@ Cau 38. Ho nguyén ham cta ham sb f (x) = tan?x 1a
A. F(x)=tanx—x+C. B. F(x)=—-tanx+x+C.
C. F(x)=tanx+x+C. D. F(x)=—-tanx—x+C.

@ Cau 39. Ham s6 F (x) = 7sinx — cosx + 1 12 mot nguyén ham ctia ham s6 nao sau day?

A. f(x)=sinx+7cosx. B. f(x)=-sinx+7cosx.
C. f(x)=sinx—T7cosx. D. f(x)=-sinx—"7cosx.
A A > ~ 1 N
i Cau 40. Ket qua tinh f2—2dx la
sin“ xcos4x
A. tanx —cotx+C. B. cot2x+C. C. tan2x—x+C. D. —tanx+cotx+C.

2 1 1
@ Cau 41. Ham s6 F(x) = 3x2 — — + = — 1 ¢6 mot nguyén ham 1a

Vo x?
A. f(x):xS—Zﬂ—%—x. B. f(x):x3—\/a_c—%—x.

C. f(x):x3—2\/9_c+1. D. f(x)= 3_1 x—l—x.
x 2 X
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@ Cau 42. Ham sb f(x) = c'osx ¢6 mo6t nguyén ham F (x) bang
sin®x
1 -4 1
A. ) B. ) C. . - .
4sinx sinx sintx 4sinx
@ Cau 43. Két qua tinh f 9x1/5 — 4x2dx bing
3 1
A. —g (5—4x2)+C. B E (5—4—.’}62) +C
1 1
C. — (5—4x2)3+C. -1/ (6-4x2)"+C
12 6
@ Cau 44. Két quéf eS"* cosxdx bang
A. eSinr 4 O, B. cosx.eS™* +(C. C. e 4 (C. D. e sin* 4 C,
@ Chu 45. Tinh f tanxdx bing
1 -1
A. —ln‘cosx‘ +C. B. ln‘cosx‘ +C. C. 5 +C. D. 5 +C.
cosZx cosZx

241

Suu tam va bién soan



1. NGUYEN HAM W GV: Doan Thinh

@ Chu 46. Tinh f cotxdx bing

-1 1
A. ln‘sinx)+C. B. —ln’sinx‘+C. C. — 5~ +C. D. — 5~ —C.
Sitn<x Stn°x
» x3
@ Cau 47. Nguyén ham ctia ham s6 y = : la
x—
13 1, 15,15,
A. éx +%x +x+ln’x+1‘+C. B. §x +%x +x+1n)x—1‘+0.
C. —x3+—x2+x+ln’x—1‘+C. D. —x3+—x2+x+ln)x—1‘+C.
6 2 3 4
., 2_9x+3
@ Cau 48. Mot nguyén ham ctia ham so6 f (x) = % la
x2 * x2
A. E+3x+6ln)x+1‘. B. E—3x+61n‘x+1’.
x2 x2
C. E+3x—6ln)x+1‘. D. = -3x+6ln(x+1).
@ Cau 49. Két qua tinh f dx bang
1 x(x13) 3
+
A. —ln’ ad (+C. B. ——1n) —1 ‘x ‘ +C. D. —ln‘— +C.
3 x+3 3 x+3
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N £ . L. 1 S
@ Cau 50. Két qua tinh f dx bang
x(x—3)
1 x—3 1 x+3 1 X 1 X
A. 51n‘ - (+c. B. §111( - )+c. C. §111‘x+3‘+c. D. g1n‘x_3l+c.
N a s N £ 1 .
@ Cau 51. Ho nguyén ham ctia ham s6 f)=5——1la
1. (x+2 w2 x—1
A. F(x):—ln(x )+c. B. F(x):ln(—jw.
? x—% x+2
C. Fx)==In = +C. D. F(x):ln‘x2+x—2’+C.
3 x+2
A~ ~ < ” < % 1-x 2 <
@ Cau 52. Ho nguyén ham ctia ham so6 f (x) = la
X
1 1
AL F(x)=—=-2lnx+x+C . B. F(x):——2ln‘x‘+x+C.
X X
1 1
C. F(x):———2ln’x)+x+C. D. F(x):———21n‘x‘—x+C.
x x
@ Cau 53. Nguyén ham cta ham sb f(x) = s—— Voia#0]la
X —a
1 - 1 1 - 1
A —m|*|+c. B —1n(x+a‘+c. C. -m[*%[+c.  D. —1n‘x+a)+c.
2a x+a 2a x—a a x+a a x—a
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@ Cau 54. Biét F(x) 1a mot nguyén ham cua ham séf (x) = a thod man F(2) =0. Khi do
~ 7’ . ~ 8 - x2
phuong trinh F (x) = x ¢6 nghiém la
A. x=1. B. x=-1. C. x=1-V3. D. x=0.

2 2 1 N
@ Cau 55. Néu F (x)la mot nguyén ham ctia ham so f(x) = o va F(2)=1 thi F(3) bang
x —

1
A. In2+1. B. lng. C. In2. D. 5

N " < A s . s % 1 . 1
@ Cau 56. Biét F(x) 1a mot nguyén ham ctia ham sof (x) = VIn%x + 1.2% thoa man FQ)= 3
X
Gia tri cia F2(e) 1a
1

A. § B.
9 9

c. 2 D. .
3 3

@ Cau 57. Nguyén ham F (x) cia ham sb f(x)=2x+ — thoa man F (%) =-11a
2 2 sin®x 2
A. cotx—xZ+=—. B. —cotx+x%2-—. C. —cotx+x2. D. cotx—x%2——.
16 16 16

2

@ Cau 58. Tim nguyén ham ctia ham sb f (x) = cos?x.sinx.
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3

cos°x sin“x

A. ff(x)dx: 3 +C. B. ff(x)dx:— 5 C.
3 )
C. ff(x)dx:—cos Y e D. ff(x)dx: SH; Yic.
. in2
@ Cau 59. Tim nguyén ham ctia ham so f (x) = _SImEr
cos2x—1
A. ff(x)dx:—ln‘sinx‘+C. B. ff(x)dlen‘cos2x—1)+C.
C. ff(x)dlen‘sianhC. D. ff(x)dlen’sinxhC.
@ Cau 60. Tim nguyén ham ctia ham sb f (x) = sinx. cos 2x.dx.
1 1 3
A. ff(x)dx:gcos3x+§sinx+C. B. ff(x)alx:COS x+cosx+C.
—2cos?® 1 1
C. ff(x)dx: €08 x+cosx+C. D. ff(x)dszCOSSx—gsinx+C.
@ Cau 61. Tim nguyén ham ctia ham sb f (x) = 2sinx. cos 3x.
1 1 1 1
A. ff(x)dx:§cos2x—zcos4x+C. B. ff(x)dxzicos2x+1cos4x+0.
C. ff(x)dx:200s4x+3cos2x+0. D. ff(x)dx:3cos4x—3cos2x+C.
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@ Cau 62. Ham sb f (x) = 3* — 2.3% ¢6 nguyén ham bang

3*  3*2*
A. 3*In3(1+2*In2)+C. B. —+ +C
. —-—+C. D. —+ +C
In3 In6 In3 In3.ln2

@ Cau 63. Mot nguyén ham F(x) ciia ham sb f(x) = (e * +¢*)? théa méan diéu kién F(0) =1

[u—
m/

1 1
A. F(x)=-2¢"25+ 2% + 2x + 1. B. F(x)= —ée—zﬁc + 5e2x +2x+1.

1 1 1 1
C. F(x)=—=e 2 4 Zo2% 4 9y, D. F(x)=—=e 2+ Ze2* 1 25 — 1.
2 2 2 2

@ Cau 64. Tim nguyén ham ctia ham s6 £ (x) =

x+1°
A. F(x):2x—31n‘x+1‘+C. B. F(x):2x+3ln‘x+1‘+C.
C. F(x)zZX—ln‘x+1)+C. D. F(x):2x+ln‘x+1’+C.
. . N 2x2 +2x+3
@ Cau 65. Tim nguyén ham ctia ham s6 f (x) = %
X
1 5 1
A. F(x):§(2x+1)2+21n‘2x+1‘+0. B. F(x):§(2X+1)2+5ln‘2x+1’+C.
C. F(x)=(2x+ 1)2+1n(2x+ 1)+C. D. F(x):(2x+1)2—1n)2x+ 1‘+C.
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3_
@ Cau 66. Tim nguyén ham ctia ham sb £ (x) = %
X
2

2
A. F(x):%—ln(x2+1)+C. B. F(x):%+ln(x2+1)+C.
C. F@)=x*>-In(x?+1)+C. D. F(x)=x*+In(x*+1)+C.

@ Cau 67. Tim nguyén ham ctia ham s6 f (x) = :
xInx+x

A. F(x):ln‘lnx+1‘+C. B. F(x):ln‘lnx—1‘+C.

C. F(x):ln‘x+1‘+C. D. F(x)=lnx+1+C.

eZX

@ Cau 68. Tim nguyén ham ctia ham s6 f (x) = =T

A. F(x)=e*+In(e*+1)+C. B. F(x)=Iln(e*+1)+C.
C. F(x)=e* —e*+C. D. F(x)=e*—In(e*+1)+C.

p 1 2
@ Cau 69. Cho ham s6 f(x) xac dinh trén IR\{Q} thoa man f/(x) = 2x——1’f(0) =1, f(1)=2. Gia
tri ciia biéu thic £ (-1)+ £(3) bang
A. 2+1n15. B. 3+In15. C. In15. D. 4+1n15.
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1
@ Cau 70. Cho F(x) 12 mét nguyén ham cta f(x) = 1 trén khoang (1;+oo) thbaman F(e+1) =
x J—
4. Tim F(x).

A. 2In(x-1)+2. B. In(x—1)+3. C. 4ln(x—1). D. In(x-1)-3.
@ Cau 71. Cho F(x) 1a mét nguyén ham ctia ham s6 f(x) = % biét F(1) = 2. Gia tri ctia F(0)
e
bang
A. 2+1n2. B. In2. C. 2+1In(-2). D. In(-2).

@ Cau 72. Cho F(x) 1a mét nguyén ham ctia ham f(x) = ﬁ; biét F(0) = 2. Tinh F(1).
X

A. F(l):%lnS—Z. B. F(1)=1n3+2. C. F(1)=2In3-2. D. F(l):%ln3+2.

P 3
@ Cau 73. Cho F(x) 1a mot nguyén ham ctia ham s6 f(x) = e* + 2x théa man F(0) = 3 Tim
F. 1 5 3 1
A. F(x):ex+x2+§. B. F(x):ex+x2+§. C. F(x):ex+x2+§. D. F(x):2ex+x2—§.
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@ Cau 74. Biét F(x) 1a mot nguyén ham ctia ham sb f(x) = ¢2* va F(0) = 0. Gi4 tri ctia F(In3)
bang
A. 2. B. 6. C. 8. D. 4.

@ Cau 75. Ham s6 f(x) c6 dao ham lién tuc trén R va f'(x) = 2e2* + 1, Vx,f(0) = 2. Ham f(x)
la
A. f(x)=2¢e"+2x. B. f(x)=2¢"+2. C. fx)=e*+x+2. D. f(x)=e**+x+1.

@ Cau 76. Tim nguyén ham F(x) ciia ham sb f(x) = sinx + cosx thod man F (g) =2.

A. F(x)=—cosx+sinx + 3. B. F(x)=—cosx+sinx — 1.
C. F(x)=—cosx +sinx+1. D. F(x)=cosx —sinx + 3.

@ Cau 77. Cho ham sb f(x) théa man f'(x) = 3—5sinx va f(0) = 10. Ménh dé nao dudi day

diang?
A. f(x)=3x—5cosx+15. B. f(x)=3x—5cosx+2.
C. f(x)=3x+5cosx+5. D. f(x)=3x+5cosx+2.

@ Cau 78. Két qua cia f sin®xcosxdx bang

Suu tam va bién soan




1. NGUYEN HAM

¥ GV: Doan Thinh

1
A. gsin?’x +C. B. sin®x+C.

1
C. —gsin3x+C. D. —sin®x+C.

@ Cau 79. Tinh f cos’xsinxdx bang

1 1
A. —gcos3x+C. B. —cos®x+C. C. gcos3x+C. D. cos3x+C.
@ Cau 80. Két qua cua f sin®xdx bang
3
oS
A. - x—cosx+C. B. 3sin®x.cosx+C.
3 3
oS cos
C. x—cosx+C. D. x—cosx+C.
@ Cau 81. Két qua caa fcos3xdx bang
3 : 3 .3
A. sinx+Sln x+C. B. 3sin?x.cosx+C. C. sinx—Sln x+C. D. —sinx—Sln x+C.

@ Cau 82. Két qua caa fsin4x cosxdx bang

1 1
A. gsin5x+C. B. —gsin5x+C.

C. sin®x+C. D. —sin®x+C.
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tanx

A. 21n‘x 32 +6‘+C.

C. %ln’x3—3x2+6‘+0.

B. 1n‘x3—3x2+6‘ +C.

D. 2In(x3-3x%+6)+C.

@ Cau 83. Tinh f dx bang
cos?
A tanx. etanx+C B. e_tanx+C. C. etanx+C. D. —etanx+C.
A , 3352 Y
@ Cau 84. Tinh f =—dx bang
x°+1
453 3 3 x3
. —/——+C. B. ln‘x +1‘+C. C. In(x°+1)+C. D. +C.
x4 +4x xt+x
12
@ Cau 85. Tlnhf—xdx bang

@ Cau 86. T1nhfM

A. ln‘x +x +3‘+C.

C. %ln’x4+x2+3‘+0.

dx bang

B. 2ln)x4+x2+3‘+C.

D. —2In(x*+x%+3)+C.
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x2+1

# Cau87. Tinh [ “ " qx bing
. x°+3x—1
A. gln‘x3+3x—1)+C. B. ln‘x3+3x—l‘+C.
1
C. ln‘x3+3x—1‘+C. D. gln(x3+3x—l)+C.

@ Cau 88. Tinh f 554y bing

1
A. Eer_5 +C. B. 554 C. C. 6e5 54 (. D. 55,

@ Cau 89. Tinh f e 5y bing

A. —e* %4 C. B. e *%+C. C. e**5 4. D. —e**54+(C.
2 1 0
@ Cau 90. Biét f%dx: a.lnlx—1|+b.In|lx-2|+C, a,b € Z. Tinh gia tri biéu thuc
x— —x
a+b.
A. a+b=1. B. a+b=5. C. a+b=-5. D.a+b=-1.
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N AL Y -3 b s 2 . ,
@ Cau 91. Biét rangfx—dx:alnlx—1|+—+C véi a,b € Z. Chon khang dinh dung.
x2—2x+1 x—1

a 1 b 2a
A, —=——. B. —=2. .. —=-1. . a=2b.
25 5 " C 5 1 D. a=2b

N 4 2x+3 sl S
@ Cau 92. Bletf22x—+1dx:aln|bx+1|+cln|x—1|+C, a,b,ce”Z.Khidoéa+b+cbang
x2—x—
A. 0. B. 1. C. ; D. 2.

n 2 2x—13 . N N
@ Cau 93. Cho bletfmdx:alnlx+1l+blnlx—2l+c. Ménh dé nao sau day dung?
X X —
A. a+2b=8. B. a+b=8. C. 2a-b=8. D. a-b=8.
. . dx+11 e )
@ Cau 94. Cho b1etf—dx:aln|x+2|+bln|x+3|+C. Tinh gia tri biéu thuac: P =a” +
x2+5x+6
ab +b2.
A. 12. B. 13. C. 14. D. 15.
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BAI2. TICHPHAN

@ TOM TAT LY THUYET
€) DINHNGHIA

Pinh nghia 1 (Khai niém tich phan). Cho ham sb f(x) lién tuc trén K va a, b € K.
Ham s6 F(x) dudc goi 1a nguyén ham cta f(x) trén K thi F(b) - F(a) dudc goi 1a tich phan

b b
L b
e ) @ 6 b v cvte I T f £(x)dx. Khi d6 |1 = f f)de = F)| =F®)-F@)|@

can dudi, b can trén).

Péi v6i bién s6 14y tich phan, c6 thé chon bat ki mot chit khac nhau thay cho x, nghia
la
b b
I- f k= f f(#)dt =... = F(b)-F(a) (khéng phu thudc bién ma phu thude can).

Tinh chét 1 (Tinh chét tinh phan).
b a a
@ff(x)dx:—ff(x)dx- @ff(x)dx:O.
a b a

b b b b c b
3 f(f(x)ig(x))dx:ff(x)dxifg(x)dx. @ff(x)dx = ff(x)dx+ff(x)dx (a<c<

b).

b
=f'®-f'().

b b
b
® ff/(x)dx:f(x)) =f(6)-f(a) @ff”(x)dx:f’(x)

(® CAC DANG TOAN.

(3 Dang 1. Tich phan co bdn va tinh chét tinh phan

Dung dinh nghia tich phin va cdc tinh chdt dé gidi bai todn.

Vi du 1. Tinh céc tich phan sau

3
a) Tinh f (322 — dx + 5)dx.
1

dx
(1+x)3

1
b) Tinh f
0

Loi giai:
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(3 Dang 2. Tich phén hém s phan thirc hiru ti

Phuong phdp gidi: Chi ¥ nguyén ham ciia mét sé6 ham phén thiic hitu ti thuong gap.

@[

dx=—Inlax+b|+C, vdi a #0.
ax+b a

1 1
=—- +C, voi 0, neN,n=>2.
@i T e i Daxrppt TG votarl neln
x+a

+C, voi a #b.

1
© f(x+a)(x+b)dx_ b—aln‘x+b

Vi du 1. Tinh céc tich phan sau

1
. X X

N, *? e
C1 glai:

.
................................................................................................

................................................................................................

[ Dang 3. Tinh chat cla tich phan

Phu'o’ng phap glaz Cac tmh chat
@) ff(x)dx ff(x)dx+ff(x)dx, ff(x)dx— ff(x)dx

@ f f)dx = F@I2 = £(b)- f(a), f f'@)dx = f'@)|2 = £) - f(@),....

Vi du 1. Cho ham sb f(x) lién tuc trén doan [0;10] théa man ff(x)dx =7va ff(x)dx =
0 2

2 10
3. Tinhff(x)dx+ff(x)dx.
0 6

Loi giai:
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................................................................................................

4y PHUONG PHAP DOI BIEN

b
b
f ()] () dx = Flu@)]| = Fu®)] - Flu@)].

— Buéc 1: Bién doi dé chon phép dat ¢t = u(x) = dt = u/(x)dx.

pe A A x:b3t:u(b)
— Budc 2: Doi can .
x=a=>t=u(a)

u(b)
— Buéc 3: Pua vé dang I = f f(t)dt don gian hon va dé tinh toan.
u(a)

(O Dang 4. ’
n

Ilzf flax+b)"xdx — Ddt t =ax + b = dt = adx.

— ~ — ARt — n

Iz—fm(m) dx — Pdt t =x"""+1=>dt = (n + 1)x"dx.
n

Ing flax? +b)'xdx — Ddt t = ax? +b = dt = 2axdx.
m

1
Vi du 1. Tinh tich phan I = f (11— )" dx.
0

Loi giai:

................................................................................................

................................................................................................

+ x2

Bz
<
=
R=
N
=
b
=
=
-
=
o
=
el
=
>
=
~
[l
O\H
w
o
<

................................................................................................

................................................................................................
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(O Dang 5.

b
I= f VI@f'(x)dx — Dt t = {/f(x) = t" = f(x) = nt""dt = f'(x)dx.

9
Vi du 1. Tinh tich phan I = fw?’ T—xdx.
1

N, * 2 e
1 glai:
.
................................................................................................

[ Dang 6. i bién biéu thirc chira In,e* hodc lwong gidc trong ddu cdn

Phuong phdp gidi: Pat t la can thic chia logarit hodc can thiic chita mii hodc can thic
chtia luong gidc.

Vi du 1. Tinh tich phan I = f
- P x\/1+lnx

Loi giai:

................................................................................................

(3 Dang 7. Ddi bién biéu thirc chira ham In khéng ndm trong cén
b
1
I= ff(lnx)—dx.
X
a
1
t=lnx=dt=—-dx
Phuong phap giai: x
n
t=m+nlnx=dt=—dx.
X
You , P , A~ 1le
Vi du 1. Tinh tich phan I = f 2
1
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Loi giai:

................................................................................................

................................................................................................

................................................................................................

b b ]
(O Dang 8. Tinh ff(sinx)cosxdx hodc I = ff(cosx)sinxdx.
a a
_ |t=sinx = dt =cosxdx
DPat .
t=m+nsinx = dt = ncosxdx.
_ |t=cosx = dt = —sinxdx.
Dat . .
t=m+ncosx = dt=-nsinxdx
z
1

Vidu 1. Tinh 7= f cotada.

s

6

Loi giai:

’ 1 ’ 1 |

(O Dang 9. Tinh I :ff(tanx) dx hodc I = ff(cotx) dx.
cosZx sin®x
a a
e o 2 o ~ 1 2
Phuong phdp giai: Dit t =tanx = d¢t = ——dx = (1+tan”x) dx.
cos2x
Phuong phdp giai: Dit t =cotx = dt = ————dx=—(1+ cot?x) dx.
sin“x

i
, ) 1+ tanx)?
i Vi du 1. Tlnhlzfﬁdx.
) cos’x
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(O Dang 10.

Cho ham sé f lién tuc va c¢6 dao ham trén doan [a;b]. Gid stz ham s6 x = ¢(t) c6 dao ham
va lién tuc trén doan [a; Bl (%) sao cho @(a)=a,p(B)=>b va a < @(t)<b véi moi t € [a;f].
Khi do:
b B

| Fwax= [ romneana.

a a
Mot sé phuong phdp déi bién: Néu biéu thicc dudi ddu tich phdn cé dang

— Va2 -x2: ddt x = |a|sint; te [—E' E].

2’2
a T
— Vx2-a2:dat x = l_ | ° t(—:[——;—]\{O}.
sint 2n2
— Vx2+a?: x=|altant; te(——;—).
|lal 39
a+x a—x
— hoac :ddt x = a.cos2t.
a—x a+x
1 o
———- ddt x =atant.
22 +a

Vi du 1. Tinh céc tich phan sau:

a)I:fl\/l——x2dx. b)I:_[ dx
0 0

N, * 2 0
Ol glail:
.
................................................................................................

€ PHUONG PHAP TUNG PHAN

Pinh ly: Néu v = u(x) va v = v(x) 1a hai ham s6 c¢6 dao ham va lién tuc trén doan [a;b] thi

b b b b
b b
I:fu(x)v'(x)dx:[u(x)v(x)]‘ —fu’(x)v(x)dx hayI:fudv =uv —fvdu.
a “ a a “ a
Thuc hanh:
— Nhan dang: Tich hai ham khac loai nhan nhau, chang han: mi nhan ludng giac, ...
. U= wvee E» du=------ dx 2 ) 4
— Pat: .SuyraI:fudv:uvla—fvdu.
: NH
dv — coo dx — P = 4 °
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— Thi tu wu tién chon u: Nhat log - nhi da - tam luong - t mii va dv = phan
con lai.
— Luu y: rang bac cua da thic va bac cta In tuong tng véi so lan lay nguyén ham.

— Dang mii nhéan luong gidc 1a dang nguyén ham tiing phan luan hoi.

1
Vidu 2. Tinh I = f(x —3)e* dx.
0

Loi giai:

................................................................................................
................................................................................................

1
Vidu3. Tinh I = f(ac2 +2x)e” dx.
0

Loi giai:

................................................................................................

................................................................................................

T
Vidu4. Tinh I = fexcosxdx.
0

Loi giai:

................................................................................................
................................................................................................

@® TRAC NGHIEM

@ Cau 1. Cho hai ham sb f, g lién tuc trén doan [a;b] va s thuc £ tuy y. Trong cac khang
dinh sau, khang dinh nao sai?
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a

b b b b
A. f[f(x)+g(x)]dx:ff(x)dx+fg(x)dx. B. ff(x)dx:—ff(x)dx.
a a a b

b b b b
C. fkf(x)dx:kff(x)dx. D. fxf(x)dx:xff(x)dx.

1
@ Cau 2. Tich phan f dx c6 gia tri bang
0

A. -1 B. 1. C. o. D. 2.

a
@ Cau 3. Cho s6 thuc a théa méan fex”dx =e? -1, khi d6 a c6 gia tri bang

-1
A. 1 B. -1. C. o. D. 2.

@ Cau 4. Trong cac ham sb duéi day, ham sb nao cé tich phan trén doan [0;7] dat gia tri bang
0?

A. f(x)=cos3x. B. f(x)=sin3x. C. f(x):cos(§+g). D. f(x):sin(;—c+g).
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@ Cau 5. Trong cac tich phan sau, tich phan nao cé gia tri khac 2?
2 /2

e 1
A. flnxdx. B. f2dx. C. fsinxdx. D.
1 0 0

xdx.

o\w

1 2
@ Cau 6. Trong cac ham s6 dudi day, ham s6 nao théa man f f(x)dx = f f(x)dx?
1 2

A. f(x)=¢e". B. f(x)=cosx. C. f(x):sir_lx. D. f(x)=x+1.

5
d N
@ Cau 7. Tich phan I = f &% ¢6 gia tri bing
X
2

1 2
A. 3In3. B. —1In3. C. lné. D. In-.
3 2 5
T
2
N . ~ dx . e R
@ Cau 8. Tich phan I = f ——_ 6 gia tri bang
sinx
w
1. 1 3 1 1
A, —In—-. B. 2In3. C. —In3. D. 2In—.
2 3 2 3
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0
@ Cau 9. Néu f (4-¢ ") dx =K -2 thi gid tri cta K 12

-2
A. 125 B. 9. C. 11. D. 10.

@ Cau 10. Tich phan I = 2alac c6 gia tri bang

OF\H—A

X2 — x —
A. ZITHZ B. _213_n2. C. -2In2. D. 2In2.

5 5
@ Cau 11. Cho ham sb f va g lién tuc trén doan [1;5] sao cho ff(x)dx =2va fg(x)dx =—4.
1 1

5
Gis tri ctia f [g()— F (0)ldx 1a
1

A. -6. B. 6. C. 2. D. -2.

3 3
@ Cau 12. Cho ham sb f lién tuc trén doan [0;3]. Néu f f (x)dx = 2 thi tich phan f [x —2f (x)ldx
0 0

c6 gia tri bang
AT B. °. C. 5. D.

DN =
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5 3
@ Cau 13. Cho ham s6 f lién tuc trén doan [0;6]. Néu ff(x)dx =2 va ff(x)dx =7 thi
1 1

5
f £ (x)da ¢6 gid tri bing

3
A. 5. B. -5. C. 9. D. -9.

2 3 3
@ Cau 14. Néu f flx)dx=—-2 va f f(x)dx =1 thi f f(x)dx bang
1 2 1

A. -3. B. -1. C. 1. D. 3.
4 10 10
@ Cau 15. Néu f flx)dx =4 va f f(x)dx =5 thi f f(x)dx bang
0 4 0
A. -1. B. 9. C. 1 D. 3.

1 5 5
@ Cau 16. Cho f Fx)dx = —5 va f £(x)dx = 10, khi d6 f £()dt bing
-1 -1

1
A. 8. B. 5. C. 15. D. -15.
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@ Cau 17. Choff(x)dx 5, ff(t)dt—él Tinh I = ff(y)dy

A. I=5. BI— C19 D. 1=1.

4

4
@ Cau 18. Cho f f(x)dx =8 va f 2f(x)dx =12 khi d6 I = f f(x+1)dx bang

0
A. 4. B. 2. C. 14. D. -2.

5 5
@ Cau 19. Cho ff(x)dx =10va fg(x)dx =5. Gia tri cua f[Zf(x)—3g(x)] dx bang
0

0 0
A. 1 B. 5. C. 7. D. -7.

@ Cau 20. Cho fg(x)dx fg(x)dx 3. Khi d6 f(g(x)+1) dx bang

A. 4. B9 Cl4 D. 6.
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3
@ Cau 21. Cho ff(x)dx =-3va ng(x)dx =9. Khi do f(f(x)—g(x)) dx bang
]

-1 -1
A. 4. B. 9. C. -9. D. -6.

3
@ Cau 22. Cho ff(x)dx 2 Vaf[2f(x)+3g(x)] dx = 16, khi do fg(x)dx bang
1

A. 18. BlO C. 4. D. 8.

@ Cau 23. Choff(x)dx 3, fg(x)dx——l th1f[2f(x)+g(x)+e | dx bang

A. 6+e. B. 5+e C. 4—-ec. D. 4+e.

@ Cau 24. Cho ff(x)dx 3, f2g(x)dx 9th1f[2f(x)+4g(x)] dx bang

A. 15. B. 18 C. 27. D. 24.
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2 2
@ Cau 25. Cho £, g 1a hai ham lién tuc trén doan [1;2] thoa f[f(x)—g(x)] dx = -1, f[f(x)+
1 1

2
5g(x)ldx = 17. Tinh f [F(x) + gl dx.
1

A. 6. B. 5. C. 12. D. 8.

2 2
@ Cau 26. Cho £, g 13 hai ham lién tuc trén doan [0:2] thoa f [F(0) = g(0)]dx = -4, f [2f () +
0 0

2
g(x)ldx = -2. Tinh f[f(x) +2g(x)]dx.
0

A. 7. B. 6. C. 2. D. 4.

8 5
@ Cau 27. Cho ham sb f(x) lién tuc trén doan [0;8] va ff(x)dx = 16; ff(x)dx =6. Tinh P =
0 2

2 8
ff(x)dx+ff(x)dx.
0 5

A. P=4. B. P=10. C. pP=1. D. P=-4.
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10 4
@ Cau 28. Cho ham sb f(x) lién tuc trén doan [0;10] va ff(x)dx = 10; ff(2x)dx = 6. Tinh
0 2

4 10
P:ff(x)dx+ff(x)dx.
0 8

A. P=4. B. P=10. C. pP=1. D. P=-2.

2
@ Cau 29. Cho ham sb £(x) ¢6 dao ham trén R, £(2)=4 va f(-2)=0. Tinh I = f () dx.

-2
A. 1=4. B. 1=3. C. I1=0. D. I=-4.

@ Cau 30. Cho ham s6 f(x) lién tuc trén R va c6 mot nguyén ham 1a F(x), biét F(3) = 12,
1
F(0)=0 khi dé f f(3x)dx bang
0

A. 5. B. 12. C. 4 D. -9.

@ Cau 31. Cho ham s6 f(x) lién tuc trén R va c6 mot nguyén ham 1a F(x), biét F(4) = 12,

2
F(2)=3.Khi d6 f f(2x)dx bang
1

A.

&~ ©

B. 9. C. g D. —9.
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1
@ Cau 32. Cho ham sb f(x) lién tuc trén R théa man f(3x) = 3f(x), Vx € R. Biét rang f flx)dx =
0

3
1. Tinh tich phan I = ff(x)dx.
1

A. I=8. B. I=6. C. I=3. D. 1=2.

1 3
@ Cau 33. Cho ham sb y = f(x) théa man f Flydx =1 va f f(x)dx = 8. Tinh tich phan I =
0 1

3
ff(IZx—5I)dx.
1

A. I=-8. B. I=5. C. I=-4. D. I=-6.

2
@ Cau 34. Cho ham sb f(x) lién tuc, c6 dao ham trén doan [1;2], biét tich phan f flx)dx =4
1

va f(1)=2. Tinh £(2).
A. f(2)=6. B. f(2)=1. C. f2)=3. D. f(2)=-16.

@ Cau 35. Cho ham sb6 f lién tuc trén doan [a;b] c6 mét nguyén ham 1a ham F trén doan
[a;b]. Trong cac phat biéu sau, phat biéu nao sai?
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b
A. ff(x)dx:F(b)—F(a).

B. F'(x) = f (x) v6i moi x € (a;b).

b
C. ff(x)dx =f(d)-f (a).

b
D. Ham s6 G cho béi G (x) = F (x) + 5 ciing théa man ff(x)dx =G (b)-G(a).

@ Cau 36. Xét ham sb £ lién tuc trén R va cac sb thuc a, b, ¢ tuy 7. Trong cac khang dinh sau,
khang dinh nao sai?

b b a b c b

A. ff(x)dx:ff(x)dx—ff(x)dx. B. ff(x)dx:ff(x)dx+ff(x)dx.
ab Cc cb ab ac Cc

C. ff(x)dx:ff(x)dx—ff(x)dx. D. ff(x)dx:ff(x)dx—ff(x)dx.
a a c a a b

3
@ Cau 37. Tich phan f x(x—1)dx 6 gia tri bang véi gia tri caa tich phan nao trong cac tich
0

phan dudi day?

2 3n Inv10 b4
A. f(x2+x—3)dx. B. 3fsinxdx. C. f e dx. D. fcos(3x+n)dx.
0 0 0 0

xdx

(x+1)3 béng

1
@ Cau 38. Tich phan 1= f
0
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A. -1 B. 1. c. L. .12,
7 6 8
1 7
# Ciu 39. Tich phan | —dx bing
(1+x2)
0
2 3 2 4
1 (@-1)73 (t-1)°3 1 [(@-1)3 3 r@-1)3
A. 5] 5 dt. B. f 5 dt. C. Ef 1 dt. D. 5] 1 dt.
1 1 1 1
v 1
@ Cau 40. Tich phan I = f _ 1 dxbing
/ x(x%+1)
A. ln§. B. llni C. llni llni
2 372 2 2

2
@ Cau 41. Cho hai tich phan I = f Bdx, J =
0

A. 1.J=8. B. I.J:%.

C.I-J

128

xdx.Tim méi quan hé gitta I va J

D. I+J:%.
9

272
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a
@ Chu 42. Cho sb thuc a théa méan f " Ldx = e* — ¢%, khi d6 a c6 gia tri bing

1
A. -1 B. 3. C. o. D. 2.

2
@ Cau 43. Tich phan f ke*dx (véi k 1a hing sb) c6 gia tri bang
0

A. k(ez—l). B. ¢2-1. C. k(e2—e). D. e2—e.

@ Cau 44. V6i hang sb k, tich phan nao sau dy c6 gia tri khac véi cac tich phan con lai?
2 2

1 2 3 3
A. fk(e2—l)dx. B. fkexdx. C. fSke3xdx. D. fkezxdx.
0 0 0 0

5 5
@ Cau 45. Cho ham sb f va g lién tuc trén doan [1;5] sao cho ff(x)dx =-T7va fg(x)dx =5
1 1

5
va f lg(x)— kf (x)ldx = 19 Gi4 tri ciia & 1a:
1

A. 2. B. 6. C. 2. D. -2.
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5
@ Cau 46. Cho ham sb f lién tuc trén R. Néu f
1

3 5
2f (x)dx =2 va ff(x)dx =7 thi ff(x)dx co
1 3
gia tri bang:
A. 5. B

. —6. C. 9. D. -9.

2

[tk pnax =
1
—1 gi4 tri k bang

A. 7. B

2
@ Cau 47. Cho ham sb 7 lién tuc trén doan [0;3]. Néu f f (x)dx =4 va tich phan
1

5
« . . . Do 2.
5 C.5

@ Cau 48. Tich phan I= | cos®xcos2xdx c6 gia tri bang

w o\wl:

A 22 T c. 2. D. X
8 2 8 8
z
@ Cau 49. Tich phan I = f sin®xtanxdx c6 gid tri bing
0
A. 1n3—§. B. In2-2. C. ln2—§. D. ln2—§.
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0
@ Cau 50. Néu f (5—e¥)dx =K e thi gia tri ciia K 1a:

-2
A. 11. B. 9. C. 7. D. 12,5.

:
@ Cau 51. Cho tich phan I = f V1T 3cosz.sinxdx.Dit u = v3cosx + .Khi d6 I bing
0

3 2 3
2 2 2 2
A. —fu2du. B. —fu2du. C. Zu3| . D. fu2du.
3 3 9 |1
1 0 1
e
v 81 1 N
@ Cau 52. Tich phénlzfﬂdxbéng
x
1
A. 2. B. E C. 1n2—§. D. ln3—§.
6 4 5

5
@ Cau 53. Tich phan f [x ~ 2~ 8|dx ¢6 gid tri biing
-1

A. 0. B. 2—4 C. 7 D. 12,5.
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2
@ Cau 54. Tim a dé f(3—ax)dx =-3?
1

A. 2. B. 9. C. 7. D. 4
5
@ Cau 55. Néu f k% (5—x)dx = —549 thi gia tri cta k la:
2
A. £2. B. 2. C. -2. D. 5
Ca? x4
@ Cau 56. Tich phan f ¥ ZX+2 % bing
. x+1
A. 1+61né. B. l+6lné. C. 1—lné. D —+lné.
3 3 2 3 2 3 3
1
Fo1
@ Cau 57. Gi4 tri cta tich phan I = f dx 1a
’ s V1—x2
A L B. Z. c. Z. D. =
6 4 3 2

276
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1
e o A d N
@ Cau 58. Gia tri caa tich phan I = f Y a
1+ x2
0

A 1=2. B. 1=, c.1=". D.1=°%.
2 4 4 4
V3-1 p
# Cau'59. Gia tri caa tich phan 7= [ %1l
J x4+ 2x+ 2
A 1=, B. =2 c.1=3% D.I-2.
12 6 12 12
1
@ Cau 60. Tich phan I = f 2/ + 5dx ¢6 gi tri la
0
4 10 4 10 4 10 2 10
A, - - —V3. B. - ——5. C. - - —V5. D. - - —V5.
3\/_ 9\/_ 3\/_ 9\/_ 3\/_ 9\/_ 3\/_ 9\/_
2
@ Cau 61. Tich phan [ V4 x2dx c6 gid tri la
0
A~ B. .. c. .. D. 1
4 2 3
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1

@ Chu 62. Tich phan I = f V22 + 1dx ¢6 gis tri 1a
0
A, 3V2-1 B, 2V2-1 c. 2V2-1 p. 3V2-1
3 3 7 )
0
@ Cau 63. Tich phan I = f «V/x T 1dx ¢6 gid tri la
el
A -2 B. -2 c. 2 D. 2.
28 28 28 28
1
n L, x2dx
@ Cau 64. Gia tri ctia tich phan I =2 f — = 1a
0 x+Dvx+1
A 16—10\/5- B. 16—11\/§. C. 16—10\/50 D. 16—11\/5_
3 4 4 3
1
@ Cau 65. Gi4 tri cia tich phan I = f B(1-x%)°dx 1a
1 1 °
A L B. . c. . D. L.
167 168 166 165
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2

d
@ Cau 66. Gié tri ciia tich phan f Y _1a
, (2x—-1)
1 1 1 2
A. = B. I. c. i D. 2.
2 3 4 3
i (7Tx—1)%
@ Cau 67. Gia tri ciia tich phan I = | ———=dxl3
J 2x+1)
1 1 1 1
A, —[2190-1] B. —[21%-1]. C. —[2%-1]. . —[2%8-1].
900[ ] 900[ ] 900[2 1l D 900[2 1
2
2
@ Chu 68. Gié tri ciia tich phan f cos (Sx—?ﬂ)dx la
:
2
A V3 B. Y2, c. 23, p. 22
3 3 3 3
:
@ Cau 69. Gia tri ciia tich phan I= f cos?xcos 2xdx 1a
0
T T T T
AL B. ~. c. ”. D. .
6 8 1 2
Suu tam va bién soan
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@ Cau 70. Gia st ham sb f(x) c6 dao ham lién tuc trén doan [0;1] théa méan £(1) =6, fxf’(x) dx =

5. Hay tinh I = f £(x) dx.

0
A. I=1. B. I=-1. C. 1=11 D. I=3.

@ Cau 71. Cho ham sb y = f(x) ¢6 dao ham f'x lién tuc trén [0;2] va f(2) = 3, ff(x)dx =3. Tinh

2
fx.f’(x)dx.
0

A. -3. B. 3. C. o. D. 6.

0 Cau 72. Cho ham s6 y = f(x) co dao ham 1a f'(x) lién tuc trén doan [0; 1] va f(1) = 2. Biét
ff(x)dx 1, tinh tich phan I = fx f(x)dx.

0
A. I=1. B. I=- C. I=3. D. 1=-3.
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1
@ Cau 73. Cho ham sé y = f(x) théa man f (x+1)F(x)dx = 10 va 2f(1)— £(0) = 2. Tinh I =
0

1
ff(x)dx.
0

A. I=8. B. I1=-8. C. I=4. D. I=-4.

5
@ Cau 74. Cho ham sb y = f(x) c6 dao ham lién tuc trén doan [0;5] va f(5) = 10, fxf’(x)dx = 30.
0

5
Tinh f f(x)dx.

0
A. 20. B. -30. C. -20. D. 70.
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BAI3. NG DUNG TiCH PHAN

@ TOM TAT LY THUYET

4) DIEN TiCH HINH PHANG

Dinh li 1. Hinh  phang (H)  gidi han bai
(Cp:y=f)
(Co):y=g(kx) thi dién tich cua (H) dudc xdc dinh bdi
x=a,x=b(a<b)

cong thic

b
S- f () - gl dx.

Phuong phap 1. Phuong phép dai s6 (phuong phép tu luan)
— Giai phuong trinh hoanh d6 giao diém f(x) = g(x) tim nghiém «x; € [a;b].
— Lap bang xét dau f(x) - g(x), chang han

X a X1 X2 b

f(x)—g(x) - 0 + 0 -

b x1 X9 b
S-= f F()— g(a)] dx = f [f(x) - g(a)ld+ f [g(x) - F(x)]dx+ f [F(o) g ()l
a a X1 X9

Phuong phap 2. Phuong phap hinh hoc (néu 3 duong ta nén st dung hinh hoc)

\

b
Hinh 1 do (C;) ndm trén (Cs) nén S = f[fl(x)—fg(x)] dx.
Hinh 2 14 dién tich hinh phéng giéi han béi ba dudng, trong [0;x1] thi (C1) ndm trén (Cs)

X1
nam duéi nén S; = f [f1(x) — fo(x)]dx va trong [x1;x2] thi dudng d ndm trén va (Cy) ndm
0

X2
dudi nén Sy = f T o — ff i, TR TR P (el T, 2 18 6 = B 655 161 ol il 7

X1

nhu hinh.
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Vi du 5. Tinh dién tich hinh phang (H) giéi han béi cac duong sau

(H):{y:x3+11x—6,y:6x2,x:0,x:2}.

Loi giai:

€>  THE TICH VAT THE

1. Thé tich vat thé

Goi B 1a phan vat thé giéi han béi hai mat phang vuéng géc véi truc Ox tai cac diém a va
b, S(x) 1a dién tich thiét dién ctia vat thé bi cat béi mat phang vudéng géc véi truc Ox tai
diém x, (@ <x < b). Gia st S(x) 12 ham s6 lién tuc trén doan [a;b]. Khi d6, thé tich cua vat

b
thé B dudc xac dinh: V = f S(x)dx.

I
I
|

b X

2. Thé tich khéi tron xoay

a)
Th§ tich khoi tron xoay dudc sinh ra khi quay hinh ¥
phang gi('zi han béi cac duong y = f(x), truc hoanh va hai
duong thang x = a, x = b quanh truc Ox:
(C): y=f(x) o
Ox:y=0
x=a
x=b.
b
Vox=n f [f ()1 dx
a
b)
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Thé tich khéi tron xoay dudc sinh ra khi quay hinh phang y
giéi han béi cac duong x = g(y), truc tung va hai duong
thang y = ¢, y =d quanh truc Oy:

(C): x=g(y)

Oy:x=0
y=c
y=d.

d
Voy = nf[g(y)]2 dy. 0 x

c)
Thé tich khéi tron xoay dudc sinh ra khi quay hinh phang 7
gi6i han béi cac duong y = f(x), y = g(x)(cung nam mot phia
so v6i Ox) va hai duong thang x = a, x = b quanh truc Ox:

b
V= ﬂf |F%(x) - g°(x)| dx

Vi du 6. Tinh thé tich ctia phan vat thé giéi han béi hai mit phang x=1va x =3, c6
thiét dién bi cat béi mit phang vudng géc véi truc Ox tai diém c6 hoanh d§ x(1<x<3)1a
mot hinh chit nhat c¢6 hai kich thuéc bang 3x va 2v3x2 - 2.

Loi giai:

................................................................................................

Vi du 7. Cho hinh phéng D giéi han bdi duong cong y = v2 + cosx, truc hoanh va céc
duong thang x =0, x = g Khbi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé
tich V bang bao nhiéu?

Loi giai:

------------------------------------------------------------------------------------------------

© TRAC NGHIEM

@ Cau 1. Cong thic tinh dién tich hinh phéng giéi han béi hai d6 thi ham sb y = £ (x), y = g (x)
lién tuc trén [a;b] va hai dudng thang x=a, x =b (a < b) la:

b b
A. S:nf f(x)—g(x)’dx. B. S:f [f (x)—g(x)]dx.
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b b
C. S:f [f (x)— g (x)]* dxx. D. S:f f(x)—g(x)‘dx-

@ Cau 2. Dién tich S ctia hinh phang giéi han béi do thi ham sb y = f(x), lién tuc trén [a;b]
truc hoanh va hai duong thang x =a, x = b(a < b) cho béi cong thic:

b b b b
A. S:f(f(x))dx. B. S:ff(x)dx. C. S:nf‘f(x)‘dx. D. S:nff2(x)dx.
@ Cau 3. Dién tich hinh phang giéi han béi cac duong y =x3+11x— 6,y =622, x =0, x = 2.
A 2 B. 2. c. 3. p. 8.
3 2 3 23

@ Cau 4. Dién tich hinh phang giéi han béi y = 23,y = 4x 1a:
A. 8. B. 9. C. 12. D. 13.

@ Cau 5. Hinh phing (H) dudc giéi han béi do thi hai ham s6 y =x2+x -2,y =x+2 va hai
duong thang x = —2;x = 3. Dién tich ctia (H) bang
87 87 87 87
Ao T . Bo I . . . .
5 4 3 5
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@ Cau 6. Goi (H) 1?1 hinh phang dudc giéi han béi d6 thi hai ham s6 y = (1+e%)x,y = (1 +e)x.
Dién tich cua (H) bang

A L B. 2 c. 2 p. ¢t
2 2 2 2

@ Cau 7. Cho ham s6 y = f(x) lién tuc va nhan gia tri khong am trén doan [a;b]. Dién tich
hinh thang cong giéi han béi do thi cua y = f (x), truc hoanh va hai duong thang x =a, x =5
dudc tinh theo cong thic

b b b b
A. S:ff(x)dx. B. S:—ff(x)dx. C. S:—ffZ(x)dx. D. S:ff2(x)dx.

@ Cau 8. Dién tich hinh phéng dudc gidi han béi d6 thi cac ham sb y = £ (x), y = g(x) lién tuc
trén doan [a;b], truc hoanh va hai duong thang x = a, x = b dudc tinh theo cong thic

b b
2
A s:f)ﬂx)—g(x)) dx. B. s:fmx)—g(x)]dx.
ab a b ,
C. 8= [|re-gwlax. D. 8 =7 [|r@-ge| ax

@ Cau 9. Dién tich hinh phang dudc giéi han béi do thi ham sb y = x3, truc hoanh va hai
duong thang x=1,x=31a
A. 19. B. 18. C. 20. D. 21.
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@ Cau 10. Dién tich hinh phang dude giéi han béi @6 thi ham sé y = y/x, truc hoanh va hai
duong thang x=1,x=41a
14 13 14

A. 4. B. —. C. —. D. —.
5 3 3

@ Cau 11. Dién tich hinh phang dudc giéi han béi do thi ham sbé y = ¥x, truc hoanh va hai
duong thang x=1,x=81a
45 45 45

A. ﬁ B. —. C. —. D. —.
2 4 7 8

@ Cau 12. Dién tich hinh phang dudc giéi han béi d6 thi ham sb y = sinx, truc hoanh va hai
2 3
duong thang x =7, x = ?” la
1

A. 1. B. -. C. 2. D. §
2 2

@ Cau 13. Dién tich hinh phang dudc giéi han béi @6 thi ham sb y = tanx, truc hoanh va hai

dudng thing x = g x= % 1a

A. lng. B. lng. C. —ln?. D. —lng.
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@ Cau 14. Dién tich hinh phang dude giéi han béi @6 thi ham sb y = e2*, truc hoanh va hai
duong thang x=0,x =3 1a
e 1 e

A, —+-. B. —
2 2 2

6 6

C. e—+
3

eb

D. —
3

DO |
W
| =

@ Cau 15. Dién tich hinh phéng dudc giéi han béi d6 thi ham sb6 y = x® — 3x2, truc hoanh va

hai dudng thang x=1, x=41a
1
A2 B. 2. c. 2. D. 2.
4 4 4 2

@ Cau 16. Dién tich hinh phang dudc giéi han béi do thi ham s6 y = x* — 3x2 — 4, truc hoanh

va hai duong thang x =0, x =3 1a
142 143 144 141
A. . B. . L] . . .
5 5 5 5

A LN - N 2 .40 9. N . N A 1 N N
@ Cau 17. Dién tich hinh phang dudc giéi han béi do thi ham so6 y = %, truc hoanh va
x

duong thang x =2 14
A. 3+2In2. B. 3—-1n2. C. 3—-2In2. D. 3+1In2.
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@ Cau 18. Dién tich hinh phang dudc giéi han béi parabol y = 2 —x2 va dudng thang y = —x
la
AL B. 2. C. 3. D. 2.
2 4 2

@ Cau 19. Dién tich hinh phang dudc giéi han béi d6 thi ham sb y = cos2x, truc hoanh va hai
dudng théng x = 0,x = g 1a
A. 2. B. 1. C. 3. D. 4.

@ Cau 20. Dién tich hinh phang dudc giéi han béi hai do thi ham s6 y=yx vay = ¥x la
1

A.1 Bi C1 D. —

E. . 13- . E. . 15.

@ Cau 21. Dién tich hinh phang dudc giéi han bdi hai d6 thi ham s6 y = 2x° —3x2+1 va

y=x—-4x?+2x+11a
37 37
A.

—. B. —. C. 3. D. 4.
13 12
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@ Cau 22. Dién tich hinh phéng giéi han béi d6 thi ham sbé y = —x2 + 4, dudng thang x = 3,

truc tung va truc hoanh la
22 2 2 2
A2 B. 32, c. 2. p. 2
3 3 3 3

@ Cau 23. Dién tich hinh phang giéi han béi dudng cong y = xInx, truc hoanh va duong thang
r=ela 2 2 2 2

AL B. L c. =1 )
2 2 4 4

@ Cau 24. Hinh phang (H) dudc giéi han béi do thi hai ham sb y = x%+x -2, y = x + 2va hai
duong thang x = -2, x = 3. Dién tich cta (H) bang

A Y B. 2. c. 2. . &
5 4 3 5

@ Cau 25. Goi (H)\lé hinh phéng dudc giéi han béi d6 thi hai ham sb y = (1+e%)x, y =(1+e)x.
Dién tich cua (H) bang
A 1 B. &2 c. 2. p. &1
2 2

@ Cau 26. Hinh phang (H) dudc gidi han béi dd thi hai ham sb y = \x2 - 1), y= M +5. Dién tich
cua (H) béng
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@ Cau 27. Hinh phéng (H) dudc gidi han béi db thi hai ham sb y = ‘x2 _4x+3

tich cta (H) b?mg
1 1 11
A 8 B. 199 c. 199 p. 19
5 5 6 6

,y=x+3. Dién

@ Cau 28. Dién tich hinh phang giéi han béi (P): y = x% + 3, tiép tuyén cta (P) tai diém cé

hoanh d6 x = 2 va truc tung bang
A S B. - C. 2. D. 1.
3 3 3

@ Cau 29. Dién tich hinh phang giéi han béi d6 thi hai ham s6 y2 -2y +x=0, x+y=01a
A2 B. . c. L. p. 1
4 2 2 2
P CA g N 2 oy os 2 R R T A 2 1 ) 27 |
@ Cau 30. Dién tich hinh phang giéi han béi cac do thi ham s6 y =x2; y = oY= bang
X
A. 27In2. B. 27In3. C. 28In3. D. 29In3.
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@ Cau 31. Dién tich hinh phéng giéi han béi cac duong thang y = 1,y = x va d6 thi ham sb

2
y = xz trong mién x>0,y <11a %. Khi d6 b —a béng
A. 4. B. 2. C. 3. D. 1.

@ Cau 32. Dién tich S hinh phang giéi han béi cac duong y = x® + 2x + 1, truc hoanh, x =1 va

x=2la o 49 21 39
A S=22 B. S=-". . S=2 D. S=22.
§=5 $== C.s== §==

@ Cau 33. Dién tich hinh phang giéi han béi d6 thi ham sé y = —x2 + 4, duong thang x = 3,

truc tung va truc hoanh la
22 2 2 2
A2 B. 32, c. 2. p. 2
3 3 3 3

@ Cau 34. Cho hinh thang cong (H) giéi han béi cac dudng y =e*, y=0, x =0, x = In8. Puong

théng x =k (0 <k <1n8) chia (H) thanh hai phan c6 dién tich 14 S; va Sy. Tim & dé S = S,.

A. kzlng. B. 2 =1In4. C. k:§1n4. D. £ =In5.
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@ Cau 35. Dién tich hinh phang giéi han béi cac duong y=x2+2,x=1,x=2, y =0.
1 1

A s=2 B. S->. c.s=3, D. s-2.

3 3 3 3

2 3 . N 2 . 2. ~ N 4
@ Cau 36. Thé tich vat thé tron xoay khi quay hinh phang giéi han béi cac dudng y = —, y =0,
x
x =1, x =4 quanh truc Ox la
A. 6. B. 6. C. 127. D. 6.

@ Cau 37. Cho hinh phéng giéi han béi cac dudng y = cosdx Ox, x = 0; x = % quay xung quanh

truc Ox. Thé tich ctia khéi tron xoay tao thanh bang

2 2
AL B. ~. c. X D. (”—”)n
2 16 16

N

@ Cau 38. Cho hinh phéng giéi han béi cac dudng y = f (x), Ox, x = a, x = b quay xung quanh

truc Ox. Thé tich ctia khéi tron xoay tao thanh bang:
b

b b b
A. V:ﬂ2ff(x)dx. B. V:nffz(x)dx. C. V:fn2.f2(x)dx. D. V:ffz(x)dx.
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@ Cau 39. Cho hinh phang giéi han béi cac dudng y = vx—1; truc Ox va duong thing x = 3
quay xung quanh truc Ox. Thé tich ctia khoi tron xoay tao thanh bang:

A. gn. B. 3. C. 2x7. D. 7n.

@ Cau 40. Cho hinh phang giéi han béi cac dudng y =x3+1, y =0, x = 0, x = 1 quay xung quanh
truc Ox. Thé tich ctia khoi tron xoay tao thanh bang:

Az B. 2% c. 2 D. 9r.
63 14 4

@ Cau 41. Cho hinh phéng giéi han béi cac dudng y2 =x, x =a, x = b, (0 <a < b) quay xung

quanh truc Ox. Thé tich cta khdi tron xoay tao thanh bang:
b b b b
A.V:nzf xdx. B.V:nf Vaxdx. C.V:nf xdx . D.V:nzf Vaxdx .
a a a

a

@ Cau 42. Cho hinh phang gi6i han béi cac dudng y = —x2 + 2x, y = 0 quay xung quanh truc
Ox. Thé tich ctia khdi tron xoay tao thanh bang:

496 4 64 16
A =7 B. —. c. 2. D. —.
15 3 15 15

@ Cau 43. Cho hinh phang giéi han béi cac duong y = vV1—x2, y = 0 quay xung quanh truc Ox.
Thé tich ctia khéi tron xoay tao thanh bang:
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()
w
er S
w

@ Cau 44. Cho hinh phang giéi han béi cac dudng y = tanx, y =0, x =0, x = % quay xung

quanh truc Ox. Thé tich cta khdi tron xoay tao thanh bang:

A. V:n(\/g—g). B. V:n(\/g—g). C. V:n(\/g—g). D. V:n(\/_—g).

@ Cau 45. Cho hinh phéng giéi han béi cac dudng y = 1+ v/, Ox, x = 0, x = 4 quay xung quanh
truc Ox. Thé tich ctia khoi tron xoay tao thanh bang:

A B B. &% c. 22 p. %7
3 3 3 3

@ Cau 46. Ki hiéu (H) 12 hinh phang giéi han béi d6 thi ham sb y = 2xx2 va y = 0. Tinh thé
tich vat thé tron xoay dudc sinh ra béi hinh phéng (H) khi né quay quanh truc Ox.

AT B. 2. c. 22 D. 22
15 15 15 15

@ Cau 47. Cho ham sb y = f(x) lién tuc trén doan [a;b]. Goi D 14 hinh phang giéi han béi d6
thi ctia ham sb y = £ (x), truc hoanh va hai dudng thang x = a, x = b (@ <b). Thé tich ctia khdi
tron xoay tao thanh khi quay D quanh truc hoanh dudc tinh theo cong thic
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b b b b
A. V:nffZ(x)dx. B. V:nszZ(x)dx. C. V:nsz(x)dx. D. V:27rff2(x)dx.

@ Cau 48. Thé tich khdi tron xoay do hinh phang giéi han béi cac dusng y = /x, truc Ox va

hai dudng thang x = 1; x = 4 khi quay quanh truc hoanh dudc tinh béi cong thiic nao?
4 4

4 4
A. V:nfxdx. B. V:f‘\/a_c‘dx. C. V:ﬂzfxdx. D. V:nf\/o_cdx.
1 1

1 1

@ Cau 49. Thé tich cta khoi tron xoay tao thanh khi quay hinh phang giéi han béi do6 thi
ham sb y = vtanx, truc hoanh va cic dudng thang x =0, x = % quanh truc hoanh la

In2 2
v B. v=122 c.v==_. D.v==2,

A V=—o.
v 4 2 4

N

@ Cau 50. Goi (H)la hinh phéng giéi han béi d6 thi ham sb y = e*, truc Oxva hai dudng thang
x =0, x = 1. Thé tich cia khdi tron xoay tao thanh khi quay (H) xung quanh trucOx 1a
A. g(eZ-l). B. 7(e?+1). C. g(e2+1). D. 7 (e2-1).

@ Cau 51. Cho hinh phang D gi6i han béi cac dudng y = (x—2)2, y =0, x = 0, x = 2. Khdi tron
xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bang bao nhiéu?
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A V=—. B. V=—mu. C. Vv=—. D. vV =327.

@ Cau 52. Thé tich khéi tron xoay tao thanh khi quay hinh phang giéi han béi do thi ham s6

y =e* va cac duong thang y =0, x = 0 va x = 1 dudc tinh béi cong thiic nao sau day?
1 1 1

1
A. V:erxdx. B. V:nfexzdx. C. V:fex2dx. D. V:nfezxdx.
0 0 0 0

@ Cau 53. Viét cong thitc tinh thé tich V ctia khéi tron xoay dudc tao ra khi quay hinh thang
cong, gi6i han béi do thi ham so y = f (x), truc Ox va hai duong thang x =a, x = b (a < b), Xung

quanh truc Ox.
2

b
A. V:ﬂ(ff(x)dx) .

b b
C. V:/[f(x)]zdx. D. V:f‘f(x)‘dx.

b
B.V :nf[f(x)]zdx.

@ Cau 54. Cho hinh (H) giéi han béi d6 thi ham s6 y = x2, truc hoanh va hai dudng thang
X =
n

x =1, x = 2. Quay hinh (H) quanh truc hoanh ta dudc vat thé c6 thé tich bang:
1

A B. X, c. 2 p. 37,
2 3 31 5
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@ Cau 55. Cho hinh thang cong (H) giéi han béi cac dudng y=e*, y=0, x= -1, x = 1. Thé tich
vat thé tron xoay dudc tao ra khi cho hinh (H) quay quanh truc hoanh bang

A. e’ —e”” _ B. M_ C. 64_”_ D. (e
2 2 2 2

2

@ Cau 56. Thé tich ctia khéi tron xoay tao thanh khi quay hinh phang giéi han béi y = \/x,y =
0, x =0,x =2 quanh truc hoanh la:
A. V=4nm. B. v=2. C. V=4, D. V=2n.

@ Cau 57. Cho y = f(x) 12 ham s6 lién tuc trén doan [a;5] Hinh phéng giéi han béi cac dusng
y=f(), y=0, x=a vax=>b quay quanh truc Ox tao thanh mot khoéi tron xoay cé thé tich V.
Khang dinh nao sau day la dung?
b b b b
A. V:ﬂf[f(x)]zdx. B. V:nf‘f(x)‘dx. C. V:f‘f(x))dx. D. V:f[f(x)]zdx.

a

@ Cau 58. Viét cong thiic tinh thé tich V cia khdi tron xoay dudc tao ra khi quay hinh thang
cong, giéi han bdi do thi ham sb y = f (x), truc Ox va hai duong thang x = a, x = b(a <b), xung
quanh truc Ox.

b b b b
A. V:ffz(x)dx. B. V:nff(x)dx. C. V:nffz(x)dx. D. V:f‘f(x)‘dx.
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@ Cau 59. Ki hiéu (H) 1a hinh phéang giéi han béi d6 thi ham sb y = vVx2—1, truc hoanh va
dudng thang x = 3. Tinh thé tich ctia khéi tron xoay thu dudc khi quay hinh (H) xung quanh

truc Ox.

22 20 20 16
A, v=22T B. V=2 Cc.v=2"2 D. V=22
3 3 3 3

@ Cau 60. Cho hinh phang giéi han béi dusng cong y = tanx, truc hoanh va hai dudng thang
x=0,x= % Tinh thé tich V khéi tron xoay thu dudc khi quay hinh phang nay xung quanh
truc Ox.

A. V=n(2—%). B. V:n(l—%). C. V:(l—%). D. V:—n(1—%).

@ Cau 61. Cho hinh phéng (H)giéi han béi do thi ham sb y = cosx, truc hoanh va hai dudng
thang x = 0,x = 27. Tinh thé tich Vcaa khéi nén tron xoay sinh béi (H)quay quanh truc
hoanh.

A. V=nm. B. V =x2 C.V:n2+%. D. V =272,

@ Cau 62. Thé tich cua khdi tron xoay tao thanh khi quay hinh phang giéi han béi y = v/x;
Yy X =

A. V=2 B. V =47. C. V=2n. D. V=4
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3
@ Cau 63. Tich phan n f (4- x2)2dx dung dé tinh mot trong bon dai luong sau, dé 1a dai ludng

. 2
nao?

A. Thé tich khéi tron xoay khi quay hinh (H)giéi han béi cac dudng y =4 -x%;y = 0;x = 3
quanh truc Ox.

B. Dién tich hinh phéng gidi han béi cac duong: y = (4—x2)%x = 2;x = 3.

C. Dién tich hinh phéng giéi han béi cac duvng: y = (4—22)%x =3;y =0.

D. Thé tich khéi tron xoay khi quay hinh (H) giéi han béi cac duong y =4-x2;y = 0;x =3;x = 2;
quanh truc Ox.

@ Cau 64. Cho hinh phang (H) giéi han béi cac dudng y = v/x, x =0, x = 1 va truc hoanh. Tinh

thé tich V ctia khéi tron xoay sinh béi hinh (H) quay quanh truc Ox.
A. g B. g C. . D. /7.

@ Cau 65. Cho hinh phéng (H) giéi han béi d6 thi ham s6 y = —x2 + 4x — 3, truc hoanh va hai
duong thang x = 1, x = 3. Quay (H) xung quanh truc hoanh dudc khoi tron xoay cé thé tich
la.

3 3
A. V:f‘x2—4x+3‘dx. B. V:f’x2—4x+3‘2dx.
1 1
3 3
C. V:nf(x2—4x+3)2dx. D. V:nf‘x2—4x+3‘dx.

1 1

@ Cau 66.
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Cho ham s6 y = f(x) lién tuc trén R. Goi S 1a dién tich hinh "
phang gidi han béi cac duong y=f(x),y=0,x=-1vax=5
(nhu hinh v& bén). Ménh dé nao sau day ding? » %

1 5 1 5
A. S:—ff(x)dx—ff(x)dx. B. S:ff(x)dx+ff(x)dx.
-1 1 -1 1
1 5 1 5
C. S:ff(x)dx—ff(x)dx. D. S= —ff(x)dx+ff(x)dx.
- 1 -1 1
@ Cau 67.
Cho ham sb f(x) lién tuc trén R. Goi S 1a dién tich hinh phang gidi by

han béi cac duong y = f(x), y =0, x = —1, x = 2 (nhu hinh vé bén). Ménh

dé nao dlIOl day dung‘?
1 2
A. S= ff(x)dx+ff(x)dx B. S:—ff(x)dx—ff(x)dx.
-1 1

1 2
:—ff(x)dx+ff(x)dx. D. S:ff(x)dx—ff(x)dx.
— 1 -1 1

@ Cau 68.
Dién tich phan hinh phang gach chéo trong hinh vé bén
dudc tinh theo cong thic nao dudi day?

2 2

A. f(—2x+2)dx. B. f(Zx—Z)dx.

2 2
C. f(—2x2+2x+4)dx. D. f(2x2—2x—4)dx.

vl
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@ Cau 69.
Tinh dién tich phan hinh phang gach chéo (tam giac cong OAB)

trong hinh vé bén.
5 8
- C. — D. -2

5
A. —. B. —. . —.
6 6 15 15°

@ Cau 70.
Goi S 1a dién tich hinh phéng giéi han béi cac duong y = f(x),

trﬁc hoanh va hai dLiOng théng x = -3, x = 2 (nhu hinh vé bén).

Pata= ff(x)dx b= ff(x)dx Ménh dé nao sau day 1a dung.

ASa+b BSab C. S=—-a-b. D. S=b-a.
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CHUONG 4/ sO PHUC

BAl1. SO PHUC - CAC PHEP TOAN TREN SO PHUC

@ TOM TAT LY THUYET
€ DINH NGHIA

Pinh nghia 1. M&i biéu thic dang a + bi, trong d6 a,b € R, i2 = -1 dudc goi 1a mot sb
phuc.

Pbi véi sb phic z = a + bi, ta néi a 12 phan thuc, b 1a phan a0 caa z, i goi la don vi ao.
Tap sb phtic C = {a + bila,b e R,i? = —1}. Tap s6 thuc Rc C.

Dac biét
— Khiphan 40 b=0<z=acR o z 1a s6 thuc.
— Khi phan thuc a =0 < z = bi < z 14 s6 thuan ao.
— S6 0=0+0i viza 1a s6 thuc, vira 1a s ao.

Vi du 8. S6 phtic z=3—-2i ¢c6 phan thucla...... phanaola......

Q HAI SO PHUC BANG NHAU

Hai s6 phiic 14 bang nhau néu phan thuc va phan ao ctia ching tuong tng bang nhau.

a=c
a+bi:c+di©{b g’ v6ia,b,c,d €R.

Vi du 9. Tim cac s6 thuc x, y biét rang (2x + 1)+ 8y — 2)i = (x +2) + (y + 4)i.

Loi giai:

................................................................................................

................................................................................................

€)  BIEU DIEN HINH HOC CUA 56 PHIC

Piém M(a;b) trong hé truc toa d6 vudng géc ctia méit phing dudce goi 1a diém biéu dién
cua so phic z =a + bi.
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Vi du 10.

Quan sat hinh vé bén canh, ta cé
(1) Piém A biéu dién cho sbé phic...............
(2) Diém B biéu dién cho sé phttc...............
(3) Piém C biéu dién cho s6é phitc...............
(@) Piém D biéu dién cho s6 phic...............

€ M6-bUN CUA s6 PHIC

Gia st s6 phiic z = a + bi dude biéu dién béi diém M(a;b) trén mit phang toa da.

(1) Do dai ctia véc-t6 OM dudc goi 1a mo-dun ciia sb phitc z va

duge ky hiéu 12 |z|. Khi d6, 2| = ‘O—M‘ — |a +bi| = VaZ + b2

(2) Két qua, véi moi s6 phiic z ta cé
(a) |z|=0va|z|=0©2z=0.
(b) z-z2=|z|%.
(c) Izl=1zl.

(d) |z1-22] =121l |22l

z1| a1l
(e) |—|=—.
z2| |zl

b ,,,,,,,,,,,

Vi du 11. Tim mo-dun cua cdc s6 phiic sau

€ 56 PHUC LIEN HOP

DPinh nghia 2. Cho s6 phiic z = a + bi, (a,b € R). Ta goi a — bi 1a s6 phiic lién hop ctia z va

dudc ky hiéu la z =a - bi.

Dac biét
— Trén mat phéng toa do, cac diém biéu dién z va z dbi
xuing v6i nhau qua truc Ox.

— Tu dinh nghia ta c6 cac két qua sau
@ 2=z 2=zl
@ 21+t29=21%29.
B z1-22=21"2.
C) 21 _51

5=

(®) z1a sb thuc © z = 2.
(6 zla s6 thuan 40 o z = —z.

Y z=a+b
b _________
|
|
|
|
0 a x
|
|
|
A
Z=a-b
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i Vi du 12.
1) Choz=-3-2i=>2=.........
2 Choz=4+3i=>z=.........

€ CcONG, TR, NHAN, CHIA 56 PHC

Cho hai s6 phtic z; =a + bi va z9 = ¢ + di.
(1) Phép cong va phép trit hai s6 phiic dudc thuc hién theo quy tac cong, trit da thiic.
— Phép cong: z1 +z2=(a+bi)+(c+di)=(a+c)+(b+d)i.
— Phép tru: z; —zo=(a +bi)—(c+di)=(a—c) +(b—-d)i.
— S6 phtic déi cta ciia s6 phic z =a+bi 1a —z = —a—bi. Do d6, z+(—-z) =(—2z)+z =0.
2 Phép nhan sb phiic dude thuc hién theo quy tic nhan da thic, roi thay i2 = -1
trong két qua nhan dudc. Cu thé, z; - z9 = (ac — bd) + (ad + be)i.
_21°Z9 2122 _ac+bd bc-ad .

4 . 21
Phép chia: — = - _ N " o
? P 0 Tl Ed? c?+d? b (2270)

A G q 5 5 . .1 V4 z a—bi
@ Sophucnghlchdaocuaz:a+bz;é01a;:W:a2+62 =S

Vi du 13. Cho hai s6 phiic z; = 5+2i va z3 = 3+ 7i. Tim phan thuc, phan 4o va mé-dun
ctia sO phitic w = z1 + zg va so phic w' = z9 — 21.

N, * 2 e
Loi giai:
L]
................................................................................................

Vi du 14. Cho hai s6 phtic z; =5 +2i va 2z =4+ 3i. Hay tinh

@ TRAC NGHIEM

@ Cau 1. Cho hai s6 phiic z1 =2+3i, z9 = -4 —5i. S6 phiic z =z; +22 1a
A. z2=2+2i. B. z2=-2-2i. C. z=2-2i. D. z=-2+2i.
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L1
@ Cau 2. Biét T =a+bi, (a,b €R). Tinh ab.

12 T 12 12 12
R B. —. C. —. . —.
625 625 25 25
[ Cé 3. Cho hai s6 phiic z1 = 1-2i, z9 = —2+i. Tim sb phtc z = z129.
A. z= B. z=-5i. C. z=4-5i. z=-4+5i.
@ Cau 4. Goi a,b 1an ludt 1a phan thuc va phan ao cta sé phiic
2= ‘1—\/§i‘(1+2i)+ ‘3—4i‘(2+3i).
Giatrictaa-bla
A. 7. B. -7. C. 31. . —31.

[

5 Cho sb phtic z1 = 3+2i, z9 = 6+5i. Tim s6 phtic lién hop ctia sb6 phiic z = 621 + 529

Cau
A. z2=51+40i. B. z=51-40:. C. 2=48+37i. D. z=48-37i.

@ Cau 6. Cho hai s6 phiic z1 = 1+2i, z9 = 2—-3i. Xac dinh phan thuc, phan 4o ctia sb phiic

z2=21+z29.

A. Phan thuc bang 3; phan 4o béng —5. B. Phan thuc bang 5; phan ao bang 5.
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C. Phan thuc bang 3; phan 4o bang 1. D. Phan thuc bang 3; phan 4o bang —1.

@ Cau 7. S6 phiic lién hgp ctia sb phiic z =2+ ¢6 diém biéu dién la:

A. A1 2). B. B(-1 2). C. E@2; -1). D. F(-2 1).
@ Cau 8. Hoéi diém M(3;-1) 1a diém biéu dién s6 phiic nao sau day?
A. z2=-1+3i. B. z=1-3i. C. z=3-1. D. z=-3+1.

@ Cau 9. S6 phiic lién hdp ctia s6 phiic z = i(1-2i) ¢6 diém biéu dién 1a diém nao dudi day?
A. E2;-1). B. B(-1;2). C. A(1;2). D. F(-2;1).

@ Cau 10. Cho s6 phiic z = -4 + 5i. Biéu dién hinh hoc cta z 1a diém c6 toa do
A. (—4;5). B. (-4;-5). C. (4;-5). D. (4;5).
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@ Cau 11. Tim toa d6 diém M la diém biéu dién sbé phiic z biét z théa man phuong trinh
(1+1i)z=3-5i.
A. M(-1;4). B. M(-1;-4). C. M(1;4). D. M(@1;-4).

@ Cau 12. Tim toa d6 diém M 1a diém biéu dién sb6 phiic z = 3 — 4i.
A. M(3;-4). B. M(-3;4). C. M(-3;-4). D. M(3;4).

A [N [N . 1 -1 . A > A P
@ Cau 13. Cho so phiic z théa man diéu kién (2 +i)z + 1—+l =5—1i. M6-dun cta so phic w =
i

1+2z+22c6 giatrila
A. 10. B. -10. C. 100. D. -100.

@ Cau 14. Cho sb phtc z théa z = 2i — 2. Mé-dun ctia s6 phic 22°20 1a
A. 2404, B. 2200, C. 26060, D. 23030,

@ Cau 15. Goi A 1a diém biéu dién cta sb phic z = 2+5i va B 1a 1diém biéu dién cta sb phiic
z=-2+5i. Tim ménh dé dung trong cac ménh deé sau.
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A. Hai diém A va B d6i xiing v6i nhau qua truc hoanh.

B. Hai diém A va B d6i xiing vé6i nhau qua truc tung.

C. Hai diém A va B d6i xing véi nhau qua gbc toa d6 O.

D. Hai diém A va B d6i xting v6i nhau qua dudng thang y = x.

@ Cau 16. Cho sb phtc z = -2 +i. Diém nao dudi day 1a diém biéu dién cta sb phic w = iz
trén mat phang toa do?
A. P(-2;1). B. N(2;1). C. Q1;2). D. M(-1;-2).

@ Cau 17. Cho s6 phiic z théa man (2z — 1)(1+i)+(Z +1)(1—i) =2 —2i. Gia tri cta |z| 1a

A Y2 B. V2. c. V3. D. 2.
2 2 3
@ Cau 18. C6 bao nhiéu s6 phiic z théa man |z| = v2 va 22 1a sb6 thuan ao?
A, 2. B. 3. C. 4. D. 1.

@ Cau 19. Tim s6 phtic z théa man hé thic |z - (2+i)| = V10 va z -z = 25.
A. z2=3+4i;z=5. B. z=3+4i;z=-5. C. z=-3+4i;z=5. D. z=3-4i;z=-5.
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@ Cau 20. Cho sb phiic z = a + bi(a,b € R) théa man 7a +4 + 2bi = —10 + (6 — 5a)i. Tinh P =

(a+b)|z|
A. P= _4;/5 B. P =2417. C. P=12V17. D. P:%.

@ Cau 21. Cho s6 phiic z; = 1-2i, z9 =2+ i. Mé-dun ctia s6 phttc w =21 — 229 +3 12
A. |w|=V5. B. |w|=5. C. lw|=4. D. |w|=13.

@ Cau 22. Cho hai sb phtic z1 = 2—-2i, z9 = -3+ 3i. Khi d6 s6 phtic z; — 25 1a

A. -5+5i. B. -5:. C. 5-5i. D. -1+:.
@ Cau 23. Tim s6 phtic z théa man (2—-i)(1+i)+2 =4 —2i.
A. z=-1-3i. B. z=-1+3i. C. z=1-3i. D. z=1+3i.
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@ Cau 24. Cho s6 phiic z = -2+ 3i. Tim sb phtic w = 2iz - z.

A. w=-4-1. B. w=-4-17i. C. w=8-"17i. D. w=8-1.
@ Cau 25. Cho sb phtic z = 1 +i. Khi d6 \ZS\ bing

A. V2. B. 2V2. C. 4. D. 1
@ Cau 26. TinhA =3+2i+(6+i)(5+1).

A. 30+10:. B. 32+13:. C. 33+13i. D. 33+12i.
@ Cau 27. Cho s6 phiic z =a + bi (a,b € R) tuy ¥. Ménh dé nao sau day ding?

Ca
A. M6 dun cia z 1a mot s6 thuc duong.
2

B. 2= ‘z‘ .

C. S6 phiic lién hop cta z ¢c6 mé dun bang mé dun cta iz.
D. Piém M(-a;b) 1a diém biéu dién cua z.

@ Cau 28. Néu z = 2-3; thi 23 bang:
A. -46-9i. B. 46+9i. C. 54-27i.

D. 27+24i.
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;1 N
‘ A . A v
@ Cau 29. So 121 bang 1
A. 1-1. B. 1+i. C. Q(l—i). D. .

@ Cau 30. S6 phiic z = (1+2i)(2 - 3i) bang
A. 8—i. B. 8. C. 8+i. D. —4+i.

@ Cau 31. Cho hai sb phitc z1 =1-2i, z9 =x — 4+ yi v6i x,y € R. Tim cép (x;y) d& z9 = 221.
A. (x;y)=(4;6). B. (x;y)=(5;-4). C. (x;y)=(6;-4). D. (x;y)=(6;4).

@ Cau 32. Cho i l1a don vi d0. V6i a,b € R,a? + b2 > 0 thi s6 phiic a + bi ¢6 nghich dao 1a
1 . B a-bi a-bi a+bi

a+b a+b a2+ b2 a?+ b2
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[ 3. Thu gon sb phtic z = i + (2 —4i) - (3 - 2i) ta dudc?

C
A, z=-1-1i. B. z=1-1i. C. z=-1-2i.

D. z=1+i.

@ Cau 34. Cho hai s6 phiic z1 =5 —7i, zo =2 —i. Tinh médun cta hiéu hai sb phtc da cho

A ) 1—2‘2‘ B. ‘21—22‘245.

C. ’21—22‘ D. ‘21—22‘2\/7_4—\/5.

@ Cau 35. Cho hai sb phiic z; = 1+2i, z9 =3—i. Tim s6 phtic z = z2

21
1 7 1 7 1 7 1 7
A, z=—+—-1. B, z=—+—1. C. z==———i. D.z=——+—i.
5 5 10 10 5 5 10 10
n , 2 . 3—-2i 1+1:
@ Cau 36. Rut gon s6 phic z = n .l—3+2l. ta dudc
—1 l
55 15 75 11 75 15 55 11
A z=—+—1. B, z=—+—"1. C.z=—+—1i. z=—+—1.
26 26 26 26 26 26 26 26
@ Cau 37. Tinh 2-1
au inh z = 57
1 3 3 1 1 3 3 1
A z=—+—-i B.z=——=i C.z=———=i D.z=—+—-i
2 2 2 2 2 2
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1 p
@ Cau 38. Tim nghich dao ~ ctia sb phiic z = (-1 + 4i)?
V4

1 -15 8; 1 15 81 1 15 81 1 -15 8;
A Z-2, %8 g o % LI % p o2 %
z 289 289 z 289 289 z 289 289 z 289 289
@ Cau 39. Cho s6 phic z = 1+ v/3i Khi dé.
A 1oL, V3, B 1_1,v3, c. 1.1 V3, p, 11 V3,
z 2 2 z 4 4 z 2 2 z 4 4
2 1 4
@ Cau 40. So6 phiic z = PV la so phtc nao dudi day?
—4i
3 4 3 4 3 4 3 4
—+—i B. —-——i. — - SR —
25 25 25 25 25 25 25 25
@ Cau 41. Cho hai sb phiic: z; = 2+5i, zo = 3 —4i. Tim s6 phiicz = z;.29.
A. 2=26-"Ti. B. z=6-20i. C. z2=26+T7i. D. z=6+20;i.
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@ Cau 42. Cho s6 phtic z=2+4i. Tim s6 phitc w =iz +Z.

Ca
A. w=2+2i. B. w=-2-2;. C. w=2-2i. D. w=-2+2i.

. 3+2i 1-1
# Cau 43. Thu gon s6 phiic z =~ ,‘+3+2‘, ta duge
—1 l
15 55 23 63 2 6 21 61
A =212 B. 2= +22; C.z=z=—+—2i D.z=2124
26 26 26 26 13 13 26 26
@ Cau 44. Tinh z = (1+2i)% +(3-i)*ta dudc:
A. z=3-8i. B. 2= -3+8i. C. 2=3+8i. D. z=-3-8i.

@ Cau 45. Cho hai sb phiic: z; =2+5i, z1 = 2+5i; 29 = 3—4i. Tim s6 phiicz = z1.zs.
A. z2=26-"Ti. B. z2=6-20i. C. 2=26+T7i. D. z=6+20i.

X ) 3492 1-i
@ Cau 46. Tinh z = ,l+ l_?
o g TP 3ty o 23 63 15 55
A z=2 12 B. 2= 2042 C. 2222422 D. z=—4+22;
13 13 26 " 26 26 " 26 26 " 26
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@ Cau 47. Cho s6 phiic z =2+ 3i. Tim s6 phic w =iz - 2.

A. w=-3+5i. B. z=5-5i. C. z2=5+3i. D. z=-5+5i.
@ Cau 48. Tim s6 phiic théa man .
A. 3-4i. B. 1-2:. C. 1+2:. D. 3 +4i.

(i-1z+2

@ Cau 49. Xac dinh sb phiic lién hdp Zctia s6 phiic z biét W:2+3i.
— 4l
7 5 7 5 7 5 7 5
A z=———i. B. z=-+-1i. C.z2=———1i. D.z=—+-i
2 2 2 2 2 2
@ Cau 50. Cho sb phtic z=1-3i Tim sb phtic w =iz +Z
A w=-4-4i B. w=—4+4i. C. w=4+4i. D. w=4-4i.

N A ~ . N A ~ 5 —
@ Cau 51. Cho so phiic z =3 —2i. Tim s6 phiic w = 2—2 - 22?
—1
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A, w=-2-5i. B. w=-2+5i. C. w=2-5i. D. w=2+5i.
@ Cau 52. Cho s6 phiic z = 3+ 2i. Tim s6 phic w = 2i.Z + z.
A, w=4-"17i. B. w=-1+4i. C. w=9-2i. D. w=4+"7i.
@ Cau 53. Cho s6 phiic z =5+ 2i. Tim s6 phiic w =iz -z
A. w=-3+3i. B. w=3-3i. C. w=-3-3i. D. w=3+3i.
@ Cau 54. Cho s6 phiic z =2 - 3i. Tim s6 phiic w = iz + 2Zi.
A. w=-3+6i. B. w=-3-2i. C. w=9-6i. D. w=9+6i.
@ Cau 55. Cho s6 phiic u = —1+2v/2i. Néu z2 = u thi ta c6.
z2=V2+i z=1+V2i z=1+2i z2=V2+2i
A. . B. . C. . D. .
z=2V2-i z=-1-V2i z2=2-1 z2=V2-i
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@ Cau 56. Cho hai sb phtic z1 =2+ 3i, z9 = 3—2i. Tich z1.2z9 bang:
A. -5i. B. 6-6i. C. 5i. D. 12+5:.

@ Cau 57. S6 phtic nghich dao z~! ctia s6 phtic z =2-2i 1a
a1, SR VER Y b1,
4 4l . 4 4l. o 4 41. . 4 41.

@ Cau 58. Néu 2 s6 thuc x, y thoa: x(3 +2i) + y(1—4i) = 1+ 24i thi x+ y bang:
A. 4. B. 3. C. 2. D. -3.

@ Cau 59. Néu sb phiic z ¢6 sb6 phiic nghich dao va sb phiic lién hgp béng nhau thi

A. )4:1. B. z 14 sb 4o. C. 2 la sb thue. D.z=1
@ Cau 0 T1nhS 1+i4i2+.. +2017 4 ;2018
A. B. S=1+i. C. S=1-i. D. S=i.
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‘2018 ‘2018

@ Cau 61. TinhP:‘1+\/§i +)1—\/§i
A. P=2. B. P =21010, C. P = 92019,

@ Cau 62. Cho s6 phiic z =4 +6i. Tim s6 phitcw =i.z2+2
A. w=10-10i. B. w=-10+10:. C. w=10+10:.

D. w=-2+10i.

@ Cau 63. Cho s6 phiic z =3 +2i. Tim s6 phic w = z(1 +1)% - 2.
A. w=7-8i. B. w=-7+8i. C. w=3+5i. D. w=-3+5i.
" A 1. 1. .. A 1. .
@ Cau 64. Cho so phiic z = 1_§l‘ Tinh s6 phic w =iz +3z.
1 1
A.w:§. B.w:§+i. C.w:—0+i. D. —O
3 3 3 3
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@ Cau 65. Sb phiic z théa man ‘z‘ +2=0 Khi d6:
A. 2z 12 sb thuc nhé hon hoc biing 0. B. ‘z‘ =1

C. Phan thuc cta z la so am. D. z la so thuan ao.

@ Cau 66. Goi zg 1a nghiém phiic c6 phan a0 4m ctia phuong trinh z2-6z+13 = 0. Tim sb phic
6

W=20+
2p0t+1
24 7 24 7 24 7 24 7
A W:—E'Fgl B W:—g—gl‘. C Wzg——l D W:g-i'—L

@ Cau 67. Cho s6 phitc z=a+bi (a,b €R) théa mén (1+i)2.2+4-5i=-1+6i TinhS=a+b
A. S=-3. B. S=8. C. S=6. D. S=3.

@ Cau 68. Cho cac sb phtic z; =2—3i, zo = 1 +4i. Tim s6 phic lién hdp véi s6 phic z;2s.
A. -14-5;. B. -10-5;. C. -10+5i. D. 14-5;.

@ Cau 69. Cho s6 phiic z =2+5i. S6 phitc w =iz +Z la:
A. w=7-3i. B. w=-3-3i. C. w=3+7i. D. w=-7-17i.
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@ Cau 70. Vé6i hai sb phtic bat ky z1, zo. Khing dinh nao sau day dung
A. )1+22‘ ‘ ‘ )22‘. B. ‘21+22‘:)21‘+‘22‘.

C. ’21+22‘ ‘ ‘ ’22‘+‘Z1—Z2‘. D. ‘21+22‘2)21‘+‘22‘.

@ Cau 71. S6 phitc nghich dao ctia sb6 phic z =1+3i 1a

1 . 1 . . 1 .
A. 1—0(1+31). B. 1—0(1—31). C. 1-3i. D. \/—1_0(1+3l).

@ Cau 72. Cho hai sb phtic z1 = 1+2i, z9 = 2—3i. Téng ctia hai s6 phiic z1 va z, 1a
A. 3-5i. B. 3+5i. C. 3-1. D. 3+1i.

@ Cau 73. Can bac hai ctia sb phtc z = -5 + 12ila:
A. 2+3i. B. —2-3i. C. 2-3i,—2+3i. D. 2+3i,—2-3i.
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2-1)%2i)*

@ Cau 74. Két qua ctaa phép tinh T la:
—i
A. 7T-1. B. 56-8i. C. 7+i. D. 56+8i.
@ Cau 75. Cho s6 phiic z =3 +2i. Tim s6 phic w =2z(1+i)> -z
A. w=3+5i. B. w=7-8i. C. w=-3+5i. D. w=-7+8i.
" , £ , 3-21 1+:
@ Cau 76. Rut gon s6 phic z = T2ty duoc
55 15 Tl 75 11 55 11
A, z=—+—1. B. z=—+—1. C. z=—+—1. D.z=—+—1.
26 26 26 26 26 26 26 26
¢ Cau77. Tinhz= —2—
@ Lau . 11In Z—m
1 1 1 1
A.z:——§i. B.z:§+—i. C.z:—+§i. D.Z:§——l
2 2 2 2 2 2 2

@ CAu 78. Cho i 1a don vi 40. Gi4 tri ctia bidu thic z = (5 +it+ i3 +i2+i+ 1D* 1a

A. -1024i. B. -1024. C. 1024.

D. 1024;.
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@ Cau 79. Cho sé phtic z=1+i+i2+i%+...+i% Khi dé
A. z=1. B. z=1-1. C. z=1+1.

@ Cau 80. Cho hai s6 phtic z; = m—1+3i va z9 =2-mi (m € R). Tim tat ca céc gia tri cia tham
s6 m dé z1.z9 12 s6 thuc.

A. me{-2;-3}. B. ng. C. me{3;-2}. D. me{-3;2}.

@ Cau 81. Cho s6 phiic z = a +bi (a,b € R) théa man 7a +4 +2bi = 10+ (6 — 5a)i. Tinh P =
@+b)z].

A. P=12V17. B. P:%. C. P= _4;/@. D. P =24V17.
@ Cau 82. Phan thuc cua s6 phiic z = (3 —i)(1 - 4i) la:
A. -1. B. 13. C. 1. D. -13.
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@ Cau 83. Rt gon biéu thic M = (1-1)?°'® ta dudc
A. M =21009, B. M =-21009, C. M =21009; D. M =-21009;

A A p 1 3 . A . M
@ Cau 84. Cho s6 phtic z = -5+ %z. So6 phiic 1+ 2z + 22 bang.

A. 2—-V3i. B. 0. C. - —+—1. D. 1.

-1

) 1+i)°
@ Cau 85. Cho so phﬁcz:(l—ﬂ) .Tinh 2° + 2%+ 27 + 28.

A. -2. B. 0. C. 4. D. 4.
) 5 . ’ i2016 /
@ Cau 86. Biéu dién vé dang z = a + bi ciia s6 phtc z = 11207 la so6 phiic nao?
+2i
3 4 3 4 -3 -3 4
A, —+—i. B. ———i. C. ———i. D. —+—i.
25 25 25 25 25 25 25 25

@ Cau 87. Cho z=(1+1)%*'", Tim z.
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A. » — _91008 _91008;
C. z=21008 1 91008;,

B. z= _210081'1008.
D. z= 210081-1008.

n . . .z » ~ 0 ., +yi . c 2. . 2
@ Cau 88. Goi x, x,y 1a hai s6 thuc théa man biéu thiic ad y,l =3+2i. Khi d6, tich so x.y
-1

bang:

A, x.y=1. B. x.y=5. C. x.y=-1. D. x.y=-5.
@ Cau 89. Néu z = 2i + 3 thi - bing:

V4
5+61 5-12; 5+12; 3—4i
A 22209 B. . C. . D. ===
11 13 13 7

@ Cau 90. Cho s6 phiic z théa man (1+iv/3).z =4i. Tinh 22017,

A. 8%72(/3.i-1). B. -852(v/3 +1).

C. 8%72(1-v3.0).

D. 8572(v/3+1).
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BAI2.  PHUONG TRINH BAC HAI HE sO THUC

O TOMTAT LY THUYET
4) CAN BAC HAI CUA $O PHUC

Can bac hai ctia s6 phtic z = x + yi 14 mét s6 phitc w = a + bi va tim nhu sau

2 12 _
. . 2 2 2 . . a“-b"=x
a+biox+yi=(a+bi) (@ -b")+2ab)-i=x+yi o
2ab=y

Giai hé nay ta tim dudc a, b. Tit d6 tim dude can bac hai cta sb phic z.

n Ta c6 thé 1am tuong tu dbi véi cac truong hop cin bac ba, bac bén. %

You

Vi du 15. Tim can béac hai caa s phtic z = 3 +4i.

Loi giai:

................................................................................................

€) PHUONG TRINH BAC HAI V&I HE SO PHYC

Xét phuong trinh bac hai az? +bz+c=0 (1) v6ia #0 c6 biét thIIC A=b%—4ac.
— Néu A =0 thi phuong trinh (1) ¢6 nghiém kép zq =29 = ——

20
— Néu A #0 va goi 6 1a can bac hai ctia A thi phuong trinh (1) ¢6 hai nghiém phéan biét
—b+0 —b-5
Tz =220 gy gy = 2
2a

Vi du 16. Biét z1, 22 12 hai nghiém phiic ctia phuong trinh 22-2z+4 = 0. Tinh |z1]+|22].

Loi giai:

................................................................................................

@ TRAC NGHIEM

@ Cau 1. Trong C, phuong trinh 2x2 + x+1 =0 c¢6 nghiém la:
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A. x;= 2(—1 —VTi);x9 = i(—1 +V70). B. x1 = i(1+ VT7i);x9 = 2(1— VTi).
C. x1= i(—1 +V7Ti);x9 = 3(1 — V7). D. x; = i(1+ VTi);x9 = i(—l— VT7i).

@ Cau 2. Khai can bac hai sb phtc z = -3 +4i ¢6 két qua:
A. 21=1+2i;29=-1-21. B. 21 =1+2i;290=1-2i.
C. 21=1+2i;29=-1+2i. D. 21 =-1+2i;29=-1-2i.

@ Cau 3. Trong C, nghiém ctia phuong trinh 23 -8 =0 la:
A. z21=2;29=1+3i;23=1-V3i. B. 21 =2;29=-1+3i;23=-1-3i.
C. z1=-2;29=-1+3i;23=—-1-3i. D. z1=-2;2=1+V3i;23=1-V3i.

@ Cau 4. Trong C, phuong trinh ‘z’ +2 =2+4i c6 nghiém la:
A. z=-3+4i. B. z=-2+4i. C. z=-4+4i. D. z=-5+4i.

@ Cau 5. Hai gia tri x; =a + bi; x2 = a — bi 12 hai nghiém ctia phuong trinh:
A. x2+2ax+a2+b%2=0. B. x2+2ax+a%2-b2=0.
C. x2-2ax+a?+0b%2=0. D. x2-2ax+a?-b2=0.
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@ Cau 6. Trong C, phuong trinh 22+ 3iz + 4 = 0 ¢6 nghiém la:
z=3i z=1 z=1+1 z=2-31
A. B. i C. . D

z=4i z=-41 z2=-31 “lz=1+i

@ Cau 7. Trong C, phuong trinh 22—z +1 =0 c6 nghiém la:

2+ v/3i 1+V5i 1+3i
2=3+5i 2= 2= 2=
A. . B. 2 C. 2 D. 2
z=38-5i 2-3i 1-V5i 1-V3i
zZ= zZ= zZ=
2 2 2
@ Cau 8. Tinh can bac hai cta sb phtic z = 8+ 6i ra két qua:
z2=3-1 z=3+1i z=-3+i z2=3-1
A. . B. . C. . D. .
z=3+1 z=-3-1 z=3-1 z=-3-1
@ Cau 9. Trong C, nghiém ctia phuong trinh 22 + v/5 =0 la:
z=V5 z=V5i
A. : B. : C. V5i. D. -V5i.
z=-V5 z=-V5i
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@ Cau 10. Trong C, nghiém ctia phuong trinh 22 = -5+ 12i la:
2=2+3i , _ z2=2-3i
. B. z2=2+3i. C. z=2-3i. D. .
z2=-2-3i z2=-2+3i

@ Cau 11. Trong C, nghiém ctia phuong trinh 22 + 4z +5 =0 la:

z=-2-1
A. z=2-1. B. z=-2-1. C. . D. z=-2+1.
z=-2+i

@ Cau 12. Trong C, nghiém ctia phuong trinh 22 -2z+1-2i=01a

z1=2—-1 z1=1—2 z1=2+1 z1=2+1
A |70 B. |7 % c. |” D. |- .

29 =—1 29 =—1 29=2—-1 29 =—1

@ Cau 13. Cho z=3+4i. Tim can bac hai cta z.

A. 2+iva2-i. B. 2+iva2-i.
C.2+iva-2-i. D. V3+2i va —v/3-2i.
@ Cau 14. Trong C, phuong trinh z* — 622 + 25 = 0 c6 nghiém la:
A. +8,+5i. B. +3,+4i. C. +5,+2i . D. £+(2+1),£(2-1).
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n . 1 . A 1s
@ Cau 15. Trong C, phuong trinh z + = = 2i ¢6 nghiém la:
z

A. (1£V3)i. B. (5+V2)i. C. 1+V2)i. D. (2+V5B)i.
@ Cau 16. Trong C, phuong trinh 22 + 1 =0 c6 nghiém la:
A. -1; M B. -1; 1il\/§. C. -1; li—l\/g D. -1; 5i—l\/§
2 2 4 4
@ Cau 17. Trong C, phuong trinh z* — 1 =0 c6 nghiém la:
A. +1,+2;. B. £2,+2;. C. +3,+4i. D. +1,+:

@ Cau 18. Trong C, cin bac hai cia —121 1a:
A. -11;. B. 11:. C. —-11.

D. 11i va -11i.
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@ Cau 19. Phuong trinh 822 —4z +1 =0 c¢6 nghiém la:

1 1 5 1 1 1 1 3
A 21=—+—i; 2————i. B. 21=—+—i;22=———i.

T 1 51 11
C.zi=-+-i;29=———1. D.zi=—+-i;29=~-—-~1.

4 4 4 4 4 4 4 4

@ Cau 20. Biét z1; zo 1a hai nghiém ctia phuong trinh 222+ v3z + 3 = 0. Khi d6 gia tri caa

z%+z§;é:
A, —. B. 9. . 4. D. ——.
4 C 4

@ Cau 21. Phuong trinh z2+az+b = 0 ¢6 mdt nghiém phic la z = 1+2i. Tong 2 sb ava bbang:
A. 0 B. -3. C. 3. D. —4.

@ Cau 22. Goi z1; z2 1a hai nghiém phtc ctia phudng trinh 22— 4z +5 = 0. Khi dé phan thuc
ctua 2% + 22 la:
A. 5. B. 6. C. 4. D. 7.
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@ Cau 23. Goi z1; 22 12 hai nghiém phiic cia phuong trinhz? +2z+4 =0. Khi d6 A = |z1|2 +|22/?
co gia tri la
A. -T7. B. -8. C. 4. D. 8.

@ Cau 24. Phuong trinh z° = 8 ¢6 bao nhiéu nghiém phtc véi phan do Am?
A B. 2. C. 3. D. 0.

@ Cau 25. Goi zo 1a nghiém phic ¢6 phan 40 4m cta phuong trinh 2z2-6z+5 = 0. Tim izy?

1 3 1 3 1 3 1 3
A. izp=—+—-1i. B. izg==+-i. C. izo=—=——1. D. izg==---=i.
2 2 2 2 2 2 2 2

@ Cau 26. Tim nghiém phic cia phuong trinh: x? + 2x + 2 = 0.
A. x1=2-1;x0=2+1. B. x1=-1-i;00=-1+1.
C. x1=1-i;x0=1+1. D. x1=-2-i;x0=-2+1.

@ Cau 27. Cho céac sb phic z1 = 3+2i, z9 = 3-2i. Phudng trinh bac hai ¢6 hai nghiém z; va 25
la
A. 22+62-13=0. B. 22-62-13=0. C. 22-6z+13=0. D. 22+6z+13=0.
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@ Cau 28. Phuong trinh 2x2 —5x +4 = 0 ¢6 nghiém trén tap sb phiic la

A 3+\/7. 3 V7. B 5+\/7. 5 V7.
. = - —1l, X9 =———1. . = —— —1. = ————1.
M=y Ty b 7y M=y Ty b=y
C _5+\/7.‘ b5 VT, D _5+\/7.. 5 VT,
TMTgTT Ty T TMTYTg bR T T

@ Cau 29. Goi z1, z9 1a hai nghiém phiic ctia phuong trinh 22 + 6z + 13 = 0 trong dé z; 1a s6
phtic c6 phan 40 am. Tim so phic w = z1 + 22z9.
A. w=-9-2i. B. w=9-2i. C. w=9+2i. D. w=-9+2i.

@ Cau 30. Goi 21 la nghiém phiic ¢6 phan 40 am ctia phuong trinh z% -2z +5 = 0. Tim toa d6

2 < AR « X A 2~ - 4 A v 2 .
diém biéu dien so phtc ! trén mat phang phuc?
<1
A. M(1;2). B. N(1;-2). C. Q(3;-2). D. P(3;2).

z 1 d
@ Cau 31. Biét z 1a mot nghiém ctia phuong trinh z + = = 1. Tinh gid tri ctia biéu thiic P =
V4
1
3
+—.
2"+ —

A. P=-. B. P=-2. C. P=o. D.

NS
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@ Cau 32. Biét 21,25 12 hai nghiém ctia phudng trinh 222+1/3z+3 = 0. Khi d6 gid tri ctia 22 +22

la: 9 9
A. 4. B. -. C. 9. D. ——.
4 4
@ Cau 33. Phuong trinh sau c¢6 may nghiém thuc: 22 +2z+2=0
A. 0. B. 1. C. 2. D. V6 s6 nghiém.
@ Cau 34. Tim céac can bac hai ctia -9.
A. +3i. B. 3. C. 3. D. -3.

@ Cau 35. Trong C, phuong trinh z* + 4 =0 c6 nghiém la:
A. +(1-4:i);+(1+4i). B. +(1-2:1);+(1+2i). C. £(1-31);+(1+3:). D. £(1-1);+(1+1).
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@ Cau 36. Giai phuong trinh 22 -2z +7 =0 trén tap s6 phic ta dudc nghiém la:
A z2=1+2V2i. B. z=1+6i. C. z2=1+V2i. D. z=1+VTi.

@ Cau 37. Can bac hai cta sb phtc 4 +6v/5i 1a:
A. -(3+5i). B. 3+ v5i). C. +(3+V5i). D. 2.

@ Cau 38. Goi z 1a cén bac hai ¢6 phan 4o Am ctia 33 - 56i. Phan thuc caa z la:
A. 6. B. 7. C. 4. D. 4.

@ Cau 39. Tap nghiém trong C ctia phuong trinh 23 + 22 +2z+1=01a:
A. {—i;i;1;-1}. B. {-i;i;1}. C. {-i;-1}. D. {-i;i;-1}.

@ Cau 40. Trén tap sb phiic, phuong trinh bac hai c6 hai nghiém a =4+3i; =-2+i la:
A. 22+ (2+4i)z2-(11+2i)=0. B. 22-(2+4i)z-(11+2i)=0.
C. 22-(2+4i)z+(11+2i)=0. D. 22+(2+4i)z+(11+2i)=0.
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u 41. C6 bao nhiéu sb phic théa méan diéu kién 22 = |z|2 + 2?
. 3. B. 0. C. 1. D. 2.

@ Cau 42. Phuong trinh (2+i)z2+az+b =0(a,b € C) ¢6 hai nghiém 14 3+ va 1-2i. Khi d6
a=?
A. -9-2;. B. 15+5:. C. 9+2i. D. 15-5:.

. 6
@ Cau 43. Cho so phiic z théa man z2 -6z + 13 =0. Tinh )z S
4 l
A. V17va4. B. v17vas. C. V17va 3. D. V17 va 2.

@ Cau 44. Goi z1,z9 14 cac nghiém phic ctia phuong trinh 22 + (1 -3i)z —2(1+i) = 0. Khi d6
w =22 + 22 — 82125 14 0 phtic ¢6 modun la:

A. 2. B. V13. C. 2V13. D. v20.

@ Cau 45. S6 nghiém cta phuong trinh véi 4n s6 phic z: 422 +8|z|2-3 =0 la:
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A. 3. B. 2. C. 4. D. 1.

@ Cau 46. Tim sb phtc z dé z -z =22
A. z2=0;z=1-1. B. z2=0;z2=1+1.
C. z2=0;z=1+i;z=1-1i. D.z=1+i;2=1-1.

@ Cau 47. V6i moi sb 4o z, s6 22 +1z|2 1a:
A. S6 thuc am . B. S6 0. C. Sb6 thuc duong. D. S6 40 khac 0.

@ Cau 48. Trong trudng s6 phic phuong trinh z% + 1 =0 c6 may nghiém?
A. 2. B. 3. C. 1. D. 0.

@ Cau 49. Gia tri ctia cac sb thuc b, ¢ dé phuong trinh z2+ bz +c¢ = 0 nhan s6 phiic z = 1+ lam
mot nghiém la:

=92 S =2 =92
A {b | B. {” | c. {” | D. {b |
c=-2 c=-2 c=2 c=2
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@ Cau 50. Trén tap hop sb phiic, phuong trinh z2+7z+15 = 0 ¢6 hai nghiém z1,z2. Gi4 tri biéu
thue 21t+tz22+2122 la:

A, -T7. B. 8. C. 15. D. 22.

@ Cau 51. Tim sb nguyén x, y sao cho s6 phtic z = x + yi théa mén 23 = 18 + 26i
A TP 3 c. 1*73 p. 775
y==*1 y=-1 y=1 y==*1

(4 52. Phuong trinh 2% — 923 + 8 = 0 ¢6 bao nhiéu nghiém trén tap s6 phic?

Cau
A. 3. B. 4. C. 2. D. 6.

@ Cau 53. Gia sif 21,29 12 hai nghiém ctia phuong trinh 22 -2z+5=0va A, B 1a cac diém biéu
dién cta z1,z2. Toa d6 trung diém I ctia doan thang AB la:
A. I(1;1). B. I(-1;0). C. 1(0;1). D. 1(1;0).
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@ Cau 54. Cho phuong trinh z2+mz—6i = 0. Dé phuong trinh c¢6 téng binh phuong hai nghiém
bang 5 thi m c6 dang m = +(a + bi)(a,b € R). Gia tri a +2b la:
A. 0. B. 1. C. -2. D. -1.

. . oA . N -1
@ Cau 55. Goi z1,29,29,24 14 cac nghiém phiic ctia phuong trinh (22

(23 + )22 + 122 + (22 + 1) la:
A Y 17 9 17i

B. —. C. —. D. —.
8 9 17 9

4
) =1.Giatricaa P =
z—1

@ Cau 56. Trong tap sb phic, gia tri cia m dé phuong trinh bac hai 22+ mz +i =0 c6 tong
binh phuong hai nghiém bang —4i la:
A. +(1-9). B. (1-9). C. £(1+9). D. -1-i.

@ Cau 57. Cho phuong trinh 22 - mz +2m —1 =0 trong d6 m 1a tham s6 phtc. Gia tri cia m
dé phuong trinh c6 hai nghiém z1,z5 théa méan 2% + 22 = —10 la:
A. m=2+2V2i. B. m=2+2V2i. C. m=2-2V2i. D. m=-2-2V2i.

@ Cau 58. Goi z1,29 12 hai nghiém cta phuong trinh 2%+ 2z +8 = 0, trong dé z; ¢6 phan ao
duong. Gia tri cua so phtc w = (221 + z2)z7 la:
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A. 12+6i . B. 10. C. 8. D. 12-6i.

@ Cau 59. Tong binh phudng cac nghiém ctia phuong trinh z* -1 =0 trén tap sé phic la bao
nhiéu?
A. 3. B. 1. C. 2. D. 0.

@ Cau 60. Goi z1,z5 12 hai nghiém cta phuong trinh z2 -2z +6 = 0. Trong d6 z; ¢6 phan ao
am. Gia tri biéu thic M = |z1| +|3z1 — 22| 1a:

A. V6-2V21. B. v6+2v21. C. V6+4V21. D. V6-4v21.
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HINH HOC
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CHUONG ]/ KHOI DA DIEN

BAI 1. KHAI NIEM VE HINH DA DIEN VA KHOI bA
DIEN
@ TOM TAT LY THUYET
€)  KHAINIEM VE HINH DA DIEN
(1) Hinh da dién (goi tat 1a da dién) 1a hinh dudc tao bdi mot

s6 hitu han céc da gidc théa man hai tinh chat:
— Hai da giac phan biét chi c6 thé hoac khong c6 diém

y--F---

chung, hoac chi ¢c6 mot dinh chung, hoac chi c6 mot
canh chung. Y
— Mbi canh ctua da giac nao cung la canh chung caa |/ \

dang hai da giac.
(2) Mbi da giac goi 1a mot mat ctia hinh da dién. Cac dinh,
canh cta cac da giac ay theo thit tu dude goi 1a cac dinh,
canh cua hinh da dién.

€>  KHAINIEM VE KHOI DA DIEN

— Khbi da dién la phan khong gian
dudc gidi han béi mot hinh da dién,
ké ca hinh da dién d6.

— Nhiing diém khéng thudc khéi da
dién dude goi 1a diém ngoai cua
khéi da dién.

diém trong diém ngoai

— Nhitng diém thuoc khéi da dién nhung khong thudc hinh da dién d6 dude goi la
diém trong ctia khéi da dién. Tap hop cac diém trong dudc goi 14 mién trong, tap
hop nhiing diém ngoai dudc goi 1a mién ngoai cia khéi da dién.

— MB&i hinh da dién chia cac diém con lai cia khong gian thanh hai mién khéong giao
nhau 14 mién trong va mién ngoai ctia hinh da dién, trong dé chi c¢6 mién ngoai la
chita hoan toan mét duong thing nao do.

€) HAI DA DIEN BANG NHAU

Phép doi hinh trong khong gian. Trong khong gian, quy tic dit tuong dng méi diém
M véi diém M’ xac dinh duy nhat dudc goi 12 mét phép bién hinh trong khong gian.
Phép bién hinh trong khong gian dudc goi 1a phép doi hinh néu né bao toan khoang cach
gitra hai diém tuy y.

* Mot s6 phép dui hinh trong khong gian:
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(D Phép tinh tién

Noi dung Hinh ve

La phép bién hinh bién moi diém M thanh diém M’ sao cho

el 1Y 7 M
MM'=7. /

M
(2) Phép d6i xiting qua mit phang
Noi dung Hinh ve
La phép bién hinh bién méi diém thudc (P) thanh chinh né, M :'[:
bién méi diém M khoéng thudc (P) thanh diém M’ sao cho (P) L

12 mat phéng trung truc cia MM'. / .
Ml

Néu phép dbi xiing qua méit phang (P) bién hinh H thanh
chinh né thi (P) dudc goi 14 mét phang d6i xiing caa H.

I

(3) Phép d6i xiing qua tam O.

N6i dung Hinh vé

La phép bién hinh bién diém O thanh chinh né, bién moi diém g —
M khéc O thanh diém M’ sao cho O 14 trung diém MM'.

Néu phép d6i xiing tAm O bién hinh (H) thanh chinh né thi O
dudc goi 1a tam d6i xing ctaa (H).

@ Phép d6i xing truc

Noi dung Hinh ve

La phép bién hinh bién moi diém thudc duong thang A thanh
chinh né, bién méi diém M khong thudc A thanh diém M’ sao L
cho A 1a duong trung truc caa MM'. P 0 [

Néu phép dbi xtng truc A bién hinh (H) thanh chinh né thi A
dudc goi la truc doi xing cua (H).

— Thuc hién lién tiép cac phép doi hinh sé dudc mot phép doi hinh.
— Phép doi hinh bién da dién (H) thanh da dién (H'), bién dinh, canh, mat caa
(H) thanh dinh, canh, mat tuong ang cua (H').

Hai hinh bang nhau: Hai hinh da dién dugc goi 12 bang nhau néu ¢6 mét phép doi hinh
bién hinh nay thanh hinh kia.
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€)  PHAN CHIA VA LAP GHEP CAC KHOI DA DIEN

Noi dung Hinh ve

Néu khéi da dién (H) 1a hop caa hai khéi da dién (H;), (Hs)
sao cho (H1) va (Hz) khong c6 chung diém trong nao thi ta néi | /. <
c6 thé chia dugc khoi da dién (H) thanh hai khéi da dién (H;) :L_ )

va (Hs), hay c6 thé 1ap ghép hai khéi da dién (H;) va (Hy) v6i | |/«

nhau dé duoe khéi da dién (). @) |
A | (Hg)

(® TRAC NGHIEM
@ Cau 1. Hinh bat dién déu c6 tit ca bao nhiéu mit phang d6i xting?

A. 9. B. 8. C. 5. D. 6.
@ Cau 2. Hinh nao duéi nao duéi day khong cé truc d6i xing?

A. Hinh binh hanh. B. Hinh thang can. C. Hinh elip. D. Tam giac can.
@ Cau 3. Mot hinh hép chit nhat ¢6 bao nhiéu mat phang déi xing?

A. 2. B. 3. C. 1. D. 4.
@ Cau 4. Hinh da dién nao sau day khong c6 mat d6i xing?

A. Hinh chép ti giac déu. B. Hinh lap phuong.

C. Hinh lang tru luc giac deu. D. Hinh lang tru tam giac.
@ Cau 5. Hinh nao sau day khéng c6 truc d6i xing?

A. Hinh tron. B. Duong thang. C. Hinh hép xién. D. Tam giac déu.
@ Cau 6. Hinh chép t gidc déu c6 bao nhiéu mit phéng dbi xing?

A. 8. B. 4. C. 2. D. 6.

@ Cau 7. Hinh lang tru tam giac déu c6 tit ca cac canh bang nhau c6é bao nhiéu mét phang
d6i xing?

A. 3. B. 5. C. 6. D. 4.
@ Cau 8. S6 mat phang d6i xiing cta khéi ti dién déu 1a

A. 7. B. 8. C. 9. D. 6.
@ Cau 9. Téng sb dinh, sb canh va s6 mat cta hinh 1ap phuong 1a

A. 16. B. 26. C. 8. D. 24.
@ Cau 10. Khdi ling tru ngii gidc ¢6 bao nhiéu mat?

A. 6 mat. B. 5 mat. C. 7 mat. D. 9 mat.
@ Cau 11. Mbi dinh ctia mét hinh da dién 14 dinh chung ctia it nhat

A. bén mit. B. hai mat. C. ba mat. D. nam mat.
@ Cau 12.
Hinh da dién bén c6 bao nhiéu mat?

A. 13. B. 9. C. 11. D. 12.

S

Suu tam va bién soan




1. KHAI NIEM VE HINH DA DIEN VA KHOI DA DIEN W GV: Doan Thinh

@ Cau 13.
Mot hinh 1ap phuong dugc cit di 8 géc nhu hinh vé 7-_‘"
bén. Héi hinh méi nhan dudce c6 bao nhiéu méat? l
A. 12. B. 10. C. 14. D. 16. |
Lt \ A
@ Cau 14.

Hinh da dién trong hinh vé bén c6 bao nhiéu canh? N
A. 16. B. 20. C. 12. D. 8. A

@ Cau 15. Mot hinh chép c6 tat ca 2018 mét. Héi hinh chép d6 c6 bao nhiéu dinh?
A. 1009. B. 2018. C. 2017. D. 1008.
@ Cau 16. Phat biéu nao sau day ding? )
A. Trong mot khoi da dién, so dinh luon 16n hon so canh.
B. Trong mot khéi da dién, méi canh 14 canh chung cta ding hai mat.
C. Tén tai khéi da dién ma c6 canh la canh chung cia ba mét.
D. Trong mot khéi da dién, s6 mat luén bang sb dinh.

@ Cau 17. Goi a, b 1an lugt 14 s6 canh va s6 mét ca hinh chép ti gidc. Tinh hiéu 7' = a - b.
A. T=T1. B. T=5. C. T=4. D. T=3.
@ Cau 18. Mit phang nao sau day chia khéi hop ABCD.A’B'C'D’ thanh hai khéi ling tru?
A. (A'BC)). B. (ABC'). C. (AB'C). D. (A'BD).
@ Cau 19. Khing dinh nao sau day dang? Cat khéi lang tru ABC.A'B'C’ bdi mp(A’'BC) ta
dudce
A. Mbt khéi chép tam gidc va mét khdi chép ngii gidc.
B. Hai khéi chép ti giac.
C. Mot khéi chép tam gidc va mot khéi chop tit giac.
D. Hai khdi chép tam giéc.

@ Cau 20. Cho khéi 1ap phuong ABCD.A’B'C'D'. Mat phang (BDD'B’) chia khéi lap phudng
thanh

A. Hai khéi lang tru tam giéc. B. Hai khéi tt dién.

C. Hai khoi lang tru ti giac. D. Hai khéi chép ti giac.
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BAI2.  KHOI DA DIEN LOI, KHOI PA DIEN PEU

@ TOMTAT LY THUYET

€ HSI DA DIEN LOI

Mot khéi da dién dudc goi 1a khoi da dién 1oi
néu véi bat ki hai diém A va B nao ctia né thi
moi diém ctia doan AB ciing thudc khoi d6. A /

Khoéi da dién 16i Khéi da dién khong 16i

(1) Mot khoi da dién 1a khéi da dién 16i khi va chi
khi mién trong ctia né luén nam mot phia doi
v6i m6i mét phang di qua mét mat cia né.

(2) Cong thiac O-le: Trong mot khoi da dién 16i néu
goi P 1a s6 dinh, C 1a s6 canh, M 1a s6 mat thi ta
lubn co D+ M =C +2.

€> KHOI DA DIEN BEU

Pinh nghia 1. (1) Khdi da dién déu 12 mot khoi da dién 16i c6 hai tinh chét sau day
— Céc mat 1a nhitng da giac déu p canh.
— Mabi dinh 14 dinh chung ctia ding ¢ canh.
(2) Khéi da dién déu nhu vay goi 1a khéi da dién déu loai {p;q).
DPinh li 1. Chi c6 ndm khéi da dién déu. D6 la:
— Loai {3;3): khéi ti dién déu.
— Loai {4;3): khoi lap phuong.
— Loai {3;4}: khoi bdt dién déu.
— Loai {5;3}: khéi muoi hai mdat déu.
— Loai {3;5): khéi hai muoi mdt déu.

Tham khao hinh biéu dién cia ndm loai khéi da dién.

&e

Khéi hai muoi mit

-
-
-

Khoilapphudng gy 4; hat dien déu Khéi mudi hai mat

deu

Khbi ti dién déu déu
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Bang tom tat cua nam loai khoi da dién deu:

S Ban kinh R
Pa dién déu canh a | So dinh c:nh S6 mat | Thé tich vV mat cau ngoai
: tiep
N 3
Tt dién déu (3:3) 4 6 4 V2a avé
12 4
Lap phuong {4;3} 8 12 6 a® av3
2
Bat dién déu (3;4) 6 12 8 v2a® av2
3 2
Muoi hai mat deu 20 30 19 15+7V5 V3 +v15
{5;3} 4 ¢ — a4 ¢
ga;} mudi mat deu 5 30 20 15 + 5\/5a3 V10 + \/%a
) 12 4

Gia st khoéi da dién déu loai {p;q} c6 D dinh, C canh va M mat thi ta luén c6

© TRAC NGHIEM

q-D=2C=p-M

@ Cau 1. Trong cac ménh dé sau, ménh dé nao dung?
A. SO dinh va s0 mat cia mdot hinh da dién luén bang nhau.

B. Ton tai hinh da dién ¢6 so dinh va so mat bang nhau.

C. Ton tai mét hinh da dién c6 s6 canh béng s6 dinh.

D. Ton tai mét hinh da dién c6 s6 canh va mat bang nhau.

@ Cau 2. S6 cac dinh ho#c s6 cac méit ciia bat ki hinh da dién nao ciing:

A. Lén hon hoéc bang 4.
C. Lén hon hodc bang 5.

A. Lén hon hoéc bang 6.
C. Lén hon 7.

@ Cau 4. Trong cidc ménh dé sau, ménh dé nao sai?

A. Khéi ti dién 12 khéi da dién 15i.

B. Lap ghép hai khéi hop dude mét khdi da dién 16i.

C. Khbi lang tru tam giac 1a khéi da dién 16i.

D. Khoéi hop 12 khéi da dién 16i.

@ Cau 5. Trong cac ménh dé sau, ménh dé nao sai?
A. Hai khéi chép c6 dién tich day va chiéu cao tuong tng bang nhau thi cé thé tich bang

nhau.

B. Lén hon 4.
D. Lén hon 5.

@ Cau 3. S6 cac canh cua hinh da dién luén luén:
B. Lén hon 6.
D. Lén hon hoic béng 8.

B. Hai khéi hop chit nhat c6 dién tich toan phan bang nhau thi ¢6 thé tich bang nhau.

Q

nhau.

Hai khéi ling tru c6 dién tich day va chiéu cao tuong tng bang nhau thi c¢6 thé tich bang

Hai khéi 1ap phuong c6 dién tich toan phan bang nhau thi ¢6 thé tich bang nhau.

D.
@ Cau 6. Cho mét hinh da dién. Tim khang dinh sai trong cac khang dinh sau:
A.

Mbi dinh 14 dinh chung cta it nhat 3 mat.
B. Méi dinh la dinh chung cta it nhat 3 canh.
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C. MGéi canh 1a canh chung cta it nhat 3 miét.
D. M6i mat c6 it nhat 3 canh.

@ Cau 7. Hay chon cum tit (hodc tir) dudi day dién vao chd tréong dé€ ménh dé sau tré thanh

ménh dé ding: “S6 canh ctia mét hinh da dién luén ................... s6 mat cta hinh da
dién do.”

A. nhé hon hoic bang. B. 16n hon.

C. biang. D. nho hon.

@ Cau 8. Mit phang (AB'C’) chia khdi ling tru ABC.A'B'C’ thanh c4c khéi da dién nao?
A. Hai khéi chép ti giac.
B. Hai khéi chép tam giéc.
C. Mot khéi chép tam giac va mot khéi chép ngii giac.
D. Mot khdi chép tam gidce va mot khéi chép ti giac.

@ Cau 9. Cho khéi da dién déu loai {p;q}, chi s p la:

A. Sb6 canh cia m6i mit. B. S6 mit cta da dién.

C. Sb canh cua da dién. D. S6 dinh caa da dién.
@ Cau 10. Cho khéi da dién déu loai {p;q}, chi sb ¢ la:

A. S6 dinh cta da dién. B. S6 canh cua da dién.

C. S6 mat caa da dién. D. S6 mat 6 mbi dinh.
@ Cau 11. Sb canh cia mot hinh bat dién déu la:

A. 8. B. 10. C. 12. D. 16.
@ Cau 12. Hinh da dién nao duéi day khéng c6 tam doi xing?

A. Tt dién deu. B. Bat dién deu .

C. Hinh lap phuong. D. Lang tru luc giac déu.
@ Cau 13. Hinh léng tru tam gidc déu c6 bao nhiéu mit phang d6i xing?

A. 1. B. 2. C. 3. D. 4.
@ Cau 14. Hinh bat dién déu c6 bao nhiéu mit phang dbi xting?

A. 4. B. 9. C. 6. D. 12.
@ Cau 15. Hinh lap phuong c¢6 bao nhiéu mat phang d6i xing?

A. 8. B. 9. C. 10. D. 12.
@ Cau 16. Hinh ti dién déu c6 bao nhiéu mét phang déi xing?

A. 4. B. 6. C. 8. D. 10.
@ Cau 17. Mot hinh hop ding c6 ddy 1a hinh thoi (khong phai 14 hinh vuéng) c6 bao nhiéu
mit phang d6i xing?

A. 4. B. 1. C. 2. D. 3.
@ Cau 18. Hinh hop chit nhat ¢ ba kich thude d6i mot khac nhau ¢6 bao nhiéu mat phang
d6i xing?

A. 4. B. 9. C. 3. D. 6.
@ Cau 19. Cho hinh bat dién déu canh a. Goi S 1a tong dién tich tit ca cac mat cta hinh bat
dién d6. Ménh dé nao duéi day ding?

A. S =2v3d2 B. S =4v3a2. C. S =8a2. D. S =3a2.
@ Cau 20. S6 canh cta ti dién déu la

A. 5. B. 6. C. 7. D. 8.
@ Cau 21. Khéi da dién déu loai {4;3} c6 bao nhiéu miét

A. 6. B. 12. C. 5. D. 8.
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@ Cau 22. Khoi lap phuong la khoéi da dién déu loai:

A. {5;3}. B. {3;4}. C. {4;3}. D. {3;5}.
@ Cau 23. Khdi da dién déu loai {5;3} c6 s6 mét la:

A. 14. B. 12. C. 10. D. 8.
@ Cau 24. C6 bao nhiéu loai khéi da dién déu?

A. 3. B. 5. C. 20. D. V6 sb.
@ Cau 25. Khdi da dién déu nao sau day c6 mat khong phai 1a tam gidc déu?

A. Thap nhi dién déu. B. Nhi thap dién déu.

C. Bat dién déu. D. Tt dién déu.
@ Cau 26. S6 canh ctia mot bat dién déu la:

A. 12. B. 8. C. 10. D. 16.
@ Cau 27. Mbi dinh cua bat dién déu 1a dinh chung ca bao nhiéu canh?

A. 3. B. 5. C. 8. D. 4.
@ Cau 28. Mbi dinh ctia nhi thap dién déu la dinh chung ctia bao nhiéu canh?

A. 20. B. 12. C. 8. D. 5.
@ Cau 29. Khéi mudi hai mét déu thudc loai

A. {5,3}. B. {3,5}. C. {4,3}. D. {3,4}.
@ Cau 30. Khoi da dién déu loai {3;4} ¢6 s6 canh la:

A. 14. B. 12. C. 10. D. 8.
@ Cau 31. Khdi da dién déu loai {4;3} ¢6 s6 dinh la:

A. 4. B. 6. C. 8. D. 10.
@ Cau 32. S6 canh va s6 méit ciia mét hinh bat dién déu la:

A. Tam. B. Muoi. C. Hai muoi. D. Mugdi sau.
@ Cau 33. Hinh bat dién déu c6 bao nhiéu dinh

A. 8. B. 6. C. 9. D. 7.

@ Cau 34. Hinh muoi hai mat déu thudc loai khéi da dién nao sau day ?
A. {3;3}. B. {4;3}. C. {3;5). D. {5;3}.

@ Cau 35. S6 dinh ctia hinh muoi hai mat déu la:
A. Muoi hai. B. Muoi sau. C. Hai muoi. D. Ba muoi.

@ Cau 36. S6 canh ctia hinh muoi hai mat déu la:
A. Muodi hai. B. Muoi sau. C. Hai muoi. D. Ba muoi.

@ Cau 37.

Cho khéi ti dién déu (H). Goi (Hy) 1a khéi da dién c6 cac dinh 14 trung
diém cta cac canh khoi td dién (H). Héi (H;) 1a khoi da dién déu loai
nao?

A. {3;3}. B. {3;4}. C. {4;3}. D. {3;5}. .

@ Cau 38.
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Cho khoéi bat dién déu (H). Goi (H;) 1a khéi da dién c6 dinh 1a trong tam

cac mat ctia (H). Khi d6 (H) 12 khoi da dién déu loai

A. {3;3}.

@ Cau 39.

C. {4;3}.

Cho khoi lap phuong (H). Goi (H;) 1a khéi da dién déu dinh 1a
tam cac mit cua (H). Hoi (H;) 1a khéi da dién déu loai nao?

A. {3;4}.

D. {5;3}.

D. {3;5}.

351
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BAI3.  THE TiCH KHOI DA DIEN

@ TOM TAT LY THUYET

0 THE TicH KHOI CHOP

Noi dung Hinh ve

1
Venep = 35 aay -

. |Saay 1a dién tich mat day
Trong do Y 1. e
h la chiéu cao khoi chop.

1
Vs.aBcD = gSABCD -d(S,(ABCD))

€  THE TiCH KHOI LANG TRY

Noi dung Hinh ve

A c’

Viing tru = Saay -~

. | Sasy 1a dién tich mat day
Trong do Do y
h 1a chiéu cao lang tru. A c

E Ling tru ding c6 chiéu cao chinh 1a d6 dai canh bénQ

€)  THE TICH KHOI HOP CHU NHAT

Noi dung Hinh ve

VH(f)p chit nhat = abc

|
|
Bl ; = C/
I
|

Trong d6 a, b, ¢ 14 d6 dai cac canh khéi hop chit nhat. a b

352] Suu tam va bién soan



3. THE TICH KHOI DA DIEN ¥ GV: Doan Thinh

€Y  THE TicH kHOI LAP PHUONG

Noi dung Hinh ve
A D’
V=d® B’ i
: ¢
Al b
B c
€@ T1iséHETicH
Noi dung Hinh ve

Vsapc SA' SB' SC'
Vsape SA SB SC
Thé tich khoi chép cut ABC.A'B'C’

V:%(B +B+ BB')

Véi B, B/, h 1a dién tich hai ddy va chiéu cao

€@ MOT 6 CHU Y VE DO DAI CAC DUONG PAC BIET

— DPudng chéo ciia hinh vudng canh a 14 av/2.
— Duong chéo ctia hinh 1ap phuong canh a 12 aV/3.
— DPuong chéo cuia hinh hép chit nhat c¢6 3 kich thude a,b,c la Va2 + b2 + c2.

aVv3

— DPudng cao ctia tam giac déu canh a 1a —

€) HE THUC LUONG TRONG TAM GIAC

(1) Cho AABC vudng tai A, duong cao AH
— AB%2+AC?=BC2 A
— AB%=BH-BC.
— AC?=CH-BC.
— AH-BC=AB-AC.
1 1 1

T AH? AB? AC? B H o
— AB=BC-sinC=BCcosB=ACtanC = ACcotB.
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(2 Cho A ABC c6 d6 dai ba canh 12 a,b, ¢, d6 dai cac duong trung tuyén 1a mq, ms, me;
ban kinh dudng tron ngoai tiép R; ban kinh dudng tron néi tiép r; ntta chu vila p
— Pinh i ham sb cosin

a? = b%2 + 2 - b2 = a? + 2 - 2 = a2 + b2 -
2bccosA. 2accosB. 2abcosC.
P a b c
— Dinh li ham so sin: = = =2R.
S 1 sinA sinB sinC
— D06 dai trung tuyen
5 20b%+c?)—a? o 2(a®+c?)-b? s 2a?+b?%)—c?
Ma="7""4 - e mi=————.
4 4 4

€©) CcAc CONG THIC TINH DIEN TiCH

(1) Tam giac

1 1 1

e Szga'hang'thEC‘hc.

— S =—-bcsinA =—casinB = Eab sinC.
abe

— S=—
4R

— S =pr.

— S=/p(p—a)p-b)p-o).
AB-A BC-AH
— AABC vuong tai A: S = ¢ = ¢ .

2 2
\ 3 2V3
— AABC déu, canh a: AH = a;/_,S =2 ;/_

(2) Hinh vuéng

— (a 12 canh hinh vuéng )
(3) Hinh chii nhat

— (a,b 12 hai kich thudc )
(4) Hinh binh hanh

— |S= day xcao=AB-AD -sinBAD
(5) Hinh thoi

— 1
— |S=AB-AD-sinBAD = QAC -AD (a,b 1a hai kich thuéc )
(6) Hinh thang
1 N
— S:E(a+b)h (a,b la hai day, A la chiéu cao )

(7) T giac c6 hai dusng chéo vudéng géc AC va BD

— S:%AC-BD

© TRAC NGHIEM

@ Cau 1. Mot khoi chép c6 dién tich mét day bang S, chiéu cao bang &, thé tich ctia khdi chép
do la:
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1 1 1
A. V=8.h. B. V:§.S.h2. C. V:§.S.h. D. V:§.S.h.

@ Cau 2. Mot khéi 1ang tru ¢ dién tich mét mét day bang B, chiéu cao bang k. Thé tich caa
khoi lang tru la:

1
A. V=S.h. B. V:§B.h. C. V=B.h. D. V=B2h.

@ Cau 3. Cho hinh chép tit gidc S.ABCD c6 day 1a hinh vuéng canh 8(cm), chiéu cao SH bang
3(cm). Tinh thé tich khoi chép?
A. V =16(cm?®). B. V =24(cm?®). C. V =48(cm?). D. V =64(cm?).

@ Cau 4. Cho hinh chép S.ABC c6é canh bén SC vudng géc véi mit day (ABC). Thé tich khéi
chop S.ABC tinh dudc theo cong thiic nao sau day?

1 1 1
A. VZgSAABc.SA. B. VZgSAAgc.SB. C. VZgSAABc.SC. D. V =8Saapc.SC.

@ Cau 5. Khéi chép S.ABC c6 day ABC la tam giac vudng tai A, canh AB =1, AC =2, canh
bén SA vudng géc véi mat phing day (ABC) va SA = 3. Thé tich caa khéi chép d6 bang:
A. 1. B. 2. C. 3. D. 6.

@ Cau 6. Cho hinh chép S.ABCD cé day ABCD la hinh chit nhat, canh AB =a, BC = 2a. Canh
SA vudng géc véi mp(ABCD). Canh SC = 3a. Thé tich ctia khoi chép S.ABCD bang:
2v5a® 4

A. 3 B. 2v3d°. C. ga } D. 6a5.

@ Cau 7. Cho hinh ti& dién OABC c6 ba canh OA, OB, OC d6i mét vuéng géc. Thé tich caa
khoi ti dién d6 dudc tinh theo cong thic nao sau day?
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1
6

1
A. V= -
2

OA.0B.OC. B. V:%OA.OB.OC. C. V=0A.0B.OC. D. V=-0A.0B.OC.

@ Cau 8. Cho khéi chép S.ABCD c6 day ABCD la hinh vudng canh a. Biét SA vudéng géc véi
(ABCD) va SA =a+/3. Thé tich ctia khoi chép S.ABCD la:
3 3 3 3 3
AL B. a®V3. c. gf D. & ?:F

@ Cau 9. Cho hinh chép ti giac S.ABCD c6 day 1a hinh vudng canh a, SA vudéng géc véi méit
phéng day va SA = 2a. Thé tich khdi chép S.ABCD bang
P B. 24° c. ¥ D, 2
1] 3 . . a . . 3 . . 3 .

@ Cau 10. Cho hinh chép S.ABCD c6 dday ABCD 1a hinh chi nhat AB = a,BC = 2a, canh bén
SA vuéng géc véi day va SA = av/2. Tinh thé tich khoi chép S.ABCD.
2a%v2

3
A. 2a3\/§. B. «3V2. C. 243V2. D. 7

@ Cau 11. Cho hinh chép S.ABCD c6 diay ABCD la hinh vudng canh a. Canh bén SA vuéng
géc véi day va c6 do dai bang 2a. Thé tich khoi ti dién S.BCD la:
ad a® C ad D ad
A, —. B. —. . —. . —.
4 8 6 3
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@ Cau 12. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng tam O canh 2a. Biét SA vuong
géc véi mat phang day va SA = av/2 Tinh thé tich khéi chép S.ABO.
A a®v2 2a3v/2 a’v2 4a3v/2

. B. . . . D. .
3 12 C 12 3

@ Cau 13. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh bang 2a. Biét SA = 6a
va SA vudng géc véi mat phang ddy. Tinh thé tich khéi chép S.ABCD.
A. 8a3. B. 6v3a3. C. 12V3a3. D. 24a3.

@ Cau 14. Cho hinh chép tam giadec S.ABC véi SA, SB, SC d6i mot vuong géc va SA =SB =
SC =qa. Tinh thé tich ctia khéi chép S.ABC.
1 1 2
A. —d3. B. a3 C. 3 D
2 6

13
3 "3

a-.

@ Cau 15. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a. Canh SA vuéng géc
v6i mat phang day va c6 d6 dai 1a a. Thé tich khéi ti dién S.BCD bang.
ad o3 o3 a8
A, —. B. —. C. —. D
6 8

3 . 4 .
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@ Cau 16. Cho hinh chép S.ABCD c6 day la hinh chit nhat véi AB = a,AD = 2a, SA vudng géc
v6i mat day va SA = av/3. Thé tinh khéi chép S.ABCD bang
3 9 3
A. 223V3. B. ¢ :;/§ C. a®V3. D. a3\/§‘

@ Cau 17. Cho ti dién OABC c6 OA, OB, OC d6i mot vudéng géc véi nhau tai O va OA =2,
OB =4, OC = 6. Thé tich khoi ti dién d6 cho bang.
A. 24, B. 16. C. 8. D. 48.

@ Cau 18. Cho khéi chép S.ABC c6 day ABC la tam giac déu canh a, SA vudng géc véi mit
phéng day va SA = 2a. Tinh thé tich khéi chép S.ABC.
3 3 3 3
A 2 B. V3, c. V3, . ©V3,
6 2 3 12

@ Cau 19. Cho hinh chép S.ABC c6 day ABC la tam giac déu canh 2a, SA vudéng géc véi mét
phang day, SA = av/3. Tinh thé tich khoi chép S.ABC.
A. VS.ABC = a2 (tht). B. VS.ABC = a3 (tht).
3

C. VS.ABC = %(dvtt). D. VS.ABC = 3a3 (tht).
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@ Cau 20. Cho hinh chép S.ABC c6 day ABC 1a tam gidc vudéng tai B, AB = a, BC = 2a,

SAL1(ABC), SA = 3a. Thé tich ctia khéi chép S.ABC bang
1 1
A. Ea?’. B. 3. C. §a3. D. 343.

@ Cau 21. Cho hinh chép ti gidec S.ABCD c6 day ABCD 1a hinh vuéng canh a, canh bén SA
vudng géc véi mat phang day va SA = v2a. Tinh thé tich V ctia khéi chép S.ABCD.
3 3 3
A. V=124 B. v Y2 v2a v2a

C. v= . D. V= .
4 6 3

@ Cau 22. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a. Biét SA1(ABCD) va
SA =av/3. Thé tich ctia khoi chép S.ABCD c6 gia tri 1a
3 3 3
A EY3 B. = c. ©V3 D. o*V3.
3 4 12

@ Cau 23. Cho hinh chép S.ABCcé day ABC la tam giac déu canh a, SAL(ABC) va SA =aV/3.
Thé tich khdi chép S.ABC la.
3 3 3 3
A, 3% B. . c. 3%, p. 3%
6 4 4 8
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@ Cau 24. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, AB = a, BC = 2a, duong
thang SA vudng géc véi méit phang (ABCD) va SA = 3a. Thé tich ctia khdi chép S.ABCD
bang

A. a3 B. 3d2. C. 6a®. D. 243.

@ Cau 25. Cho hinh hinh chép S.ABC c6 canh SA vuéng géc véi mat ddy va SA =av/3. Ddy
ABC la tam giac déu canh bang a. Thé tich ctia khoi chép S.ABC bang.
3 a3V3

3
A v=L, B.v=2, C. V=4d3/3. D.V-= .
12 4 12

@ Cau 26. Cho ti dién ABCD c¢6 AD vudng géc véi mat phéng (ABC). Biét day ABC la tam
gidc vuong tai B va AD =5, AB =5, BC = 12. Tinh thé tich V cuta tit dién ABCD.
325

A. V =50. B. V =120. C. Vv =150. D. V:1—6.

@ Cau 27. Cho hinh chép ti giac S.ABCD cé <\iéy ABCD la hinh vuéng canh a, SAL(ABCD)
va SA = av/6. Thé tich ctia khoi chép S.ABCDbang
a'vé a*v6 a*v6 D. a*V6.

A. . B. . C. .
3 2 6
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@ Cau 28. Cho hinh chép S.ABCD c¢6 ABCD la hinh vuéng canh a, SA1L(ABCD) va SA = 3a.
Thé tich khédi chép S.ABCD la.

A. 243, B. 8. C. —. D. —.

@ Cau 29. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a. Biét SAL(ABCD); SA =
aV/3. Tinh thé tich ctia khbi chép.
a3 \/§ a3 \/§ a3
A. . B. . . —. . a®V3.
3 12 C , D. «3V3

@ Cau 30. Cho hinh chép S.ABCD c6 day hinh vuéng canh a; SA vuéng géc mat day, géc gitia
SC va mit day ctia hinh chép bang 60°. Thé tich khoi chép S.ABCD la
3./9 3 3 3
A B2 B. ~. c. 26 D, L3
3 3 3 3

@ Cau 31. Cho hinh chép S.ABCD day ABCD la hinh vuéng c6 canh a va SA vudng géc day
ABCD va mét bén (SCD) hdp véi day mot géc 60°. Tinh thé tich hinh chép S.ABCD.
a®v3 a®v3 2a3V/3

3
A. 3 B. 6 C. a3V3. D. 3
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@ Cau 32. Cho hinh chép S.ABCD c6 SA vudng géc véi mit phang (ABCD), day ABCD la
hinh thang vuéng tai A va B ¢6 AB =a, AD = 3a, BC = a. Biét SA = a/3, tinh thé tich khdi
chop S.BCD theo a.

v3a? 2v3a? V3a?

3
A. 5 B. 7 C. YR D. 2v3a3.

@ Cau 33. Cho hinh chép S.ABC c¢6 SA vudng géc véi day. Tam gidc ABC vudng can tai B,
biét SA = AC = 2a. Tinh thé tich khéi chép S.ABC.

2 1

2v2 4
A. §a3. B. ga?’. C. —\/_as. 3,

@ Cau 34. Cho hinh chép S.ABC c6 day ABC la tam gidc déu canh a. SA vudng géc véi day
va tao véi duong thing SB mét géc 45°. Tinh thé tich khéi chép S.ABC.
3 3 3 3
A Y3 B. ©V3 c. O3 D. ©V3
12 4 24 6

@ Cau 35. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh «, hai mét phang (SAB)
va (SAD) cung vudng géc véi mat phang (ABCD); géc gitta duong thing SC va mit phang
(ABCD) bang 60°. Tinh theo a thé tich khéi chép S.ABCD.
3 3
Al s;/g B. 2 ?:/6 C. 3v2a3. D. 3a3.
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@ Cau 36. Cho hinh chép ti gidc déu c6 tat ca cac canh bang nhau, dudng cao ctia mot mat
bén 14 av/3. Tinh thé tich V khéi chép doé.

3V2 3V2 3V2

A.V:as;/_. B. V=d3/2. C.V:ag/_. D.V:a:;/_.

2
@ Cau 37. Hinh chép S.ABC c6 day la tam giac ABC vudng can tai B, AC = %, SA vuong

géc véi mat day. Géc gitta mat bén (SBC) va mit day bang 45°. Tinh theo o thé tich khéi chép
S.ABC.
A Cl3 a3\/§ a3\/§ Cl3

. —. B. . C. . D. —.
16 48 48 48

@ Cau 38. Cho hinh chép S.ABC c6 day 1a tam gidc déu canh bang a, canh bén SB vudng géc
v6i mét phang (ABC), SB = 2a. Tinh thé tich khéi chép S.ABC.
3 3 3 3
A EY3 B. . c. 23 p. 3%,
2 4 6 4

@ Cau 39. Cho khéi chép S.ABC c6 SAL(ABC), tam gidc ABC vuong tai B, AB=a, AC =aV/3.
Tinh thé tich khéi chép S.ABC, biét rang SB = aV/5.
a®v6 a®v15 a3v2 a®v6

A. . B. . C. . D. .
4 6 3 6
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@ Cau 40. Cho hinh chép ti giac S.ABCD, day ABCD 1la hinh vudng canh a, canh bén SA
vuong goéc véi mit ddy, géc gitta SC va (ABCD) bang 45°. Thé tich khéi chép S.ABCD la
3 3 9 3 2
A2 f B. & f. C. a3V3. D. ¢ :;/_

@ Cau 41. Cho hinh chép S.ABC c6 day la tam gidc déu canh 2a, SAL(ABC). Géc giita hai
mit phang (SBC) va (ABC) bang 30°. Thé tich khdi chép S.ABC la.
3 3 3 3
A 2V3 B, L3 c. L3 D, L3
8 6 12 3

@ Cau 42. Cho hinh chép S.ABC c6 day la tam giac vuong tai C, AB =av/5, AC =a. Canh bén
SA = 3a va vudng géc véi mat phang (ABC). Thé tich khdi chép S.ABC bang:
3
A. ¢ 3\/5 B. o3. C. 243. D. 3a°.

@ Cau 43. Cho khdi chép tam giac S.ABC c¢6 SAL(ABC), tam gidc ABC c6 d6 dai 3 canh 1a
AB =5a; BC =8a; AC =Ta, gbc gitta SB va (ABC) 14 45°. Tinh thé tich khéi chép S.ABC.

50 50v7 50v3
A. Ea3. B. 3\/_a3. C. 50v3a°. D. T\/_a?’.
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@ Cau 44. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuéng tai Ava D, AB=AD =a,

SA =CD =3a, SA vudng géc véi mat phang (ABCD). Thé tich khéi chép S.ABCD bang.
1 1
A. ga?’. B. 243. C. 6a3. D. ga?’.

@ Cau 45. Cho hinh chép S.ABC ¢6 SAL (ABC), géc giita SB va (ABC) bang 60ficirc; tam

gidc ABC déu canh a Thé tich khéi chép S.ABC bang
1
A. a3 B. V3a3. C. Za?’. D. —d3.

@ Cau 46. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, canh bang SA vudéng géc
v6i ddy (ABCD). Biét AB =a, BC = 2a va SC = 3a. Tinh thé tich khéi chép S.ABCD.

A. ga?’. B. ¥a3. C. 2a3. D. o3.

@ Cau 47. Cho ti dién S.ABC c6 SAB,SCB 1a cac tam giac can tai S va SA,SB,SC d6i mot
vuong géc véi nhau. Biét BA = aV/2, thé tich V cta ti dién S.ABC la.
3 3

A. V:%. B. V:%. C. V =243V3. D. V=a3.

@ Cau 48. Cho khbi chép S.ABCcé day ABC la tam gidc déu canh a. Hai mét bén 5(cm) va
(SAC) cung vuodng géc v6i day. Tinh thé tich khoi chép biét SC =aV/3.
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3 3 3 3
A OVE B, ©V3. c. 2°V6 p, ©V3.
12 2 9 4

@ Cau 49. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chii nhat AB =a, BC =2a, SA = 2a,
SA vudng géc véi mat phang (ABCD). Tinh thé tich khéi chép S.ABCD tinh theo a.

8a® 4q® 6a’
A, —. B. —. . —. D. 4a3.
3 3 C. 3 @

@ Cau 50. Cho hinh chép S.ABCD c6 day ABCD la hinh vuoéng, canh bing SA =av2 va SA
vudng géc véi mat phang day, tam giac SBD 1a tam giac déu. Thé tich cta khéi chép S.ABCD
bang

a3v2 2v/2a3

A. a3V2. B. 2a3V2. C. 3 D. 3

@ Cau 51. Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh bang 1. Canh biéng SA
vudng géc véi mat phang (ABCD) va SC = /5. Tinh thé tich khéi chép S.ABCD.
V15 V3 V3

A V=", B. V=13. V== D. V=—.
V3 V=3 CV6 V3

@ Cau 52. Hinh chép t gidc S.ABCD c6 day 1a hinh chit nhat canh AB =a,AD =aVv/2,SA1(ABCD),
géc gitia SC va day bang 60°. Thé tich hinh chép S.ABCD bang:
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A. V6a3. B. 3a3. C. 3Vv2a. D. v2a5.

@ Cau 53. hinh chép S.ABCD c6 day hinh vuéng, SA vudng géc véi day va SA =av3, AC =
aVv/2. Khi d6 thé tich khéi chép S.ABCD la
3 3 3 3
A. “3‘/5. B. “2‘@. C. “f. D. “2‘@.

@ Cau 54. Cho hinh chép S.ABC c¢6 ddy ABC la tam gidc can tai A, BC = 2a, BAC = 120°,
biét SAL(ABC) va mat phang (SBC) hdp véi day moét géc bang 45°. Tinh thé tich khdi chép
S.ABC.

A. a3V2. B. L. L D. L.
a’v2 9 C. 3 3

@ Cau 55. Cho hinh chép S.ABCD ¢6 day ABCD 1a hinh thoi canh a va géc BAD = 60°,SA L (ABCD).
Biét rang khoang cach tit A dén canh SC bang a. Thé tich khéi chép S.ABCD la
3 9 3 9 3
A2 f. B. al‘;. c. 2 f D. a?V3.

@ Cau 56. Thé tich caa ti dién OABC c¢6 OA,0B,0C d6i mot vudng géc, OA = a, OB = 2a,
OC=3ala
A. 3d3. B. 243. C. 448. D. 3.

367 Suu tam va bién soan



3. THE TICH KHOI DA DIEN ¥ GV: Doan Thinh

@ Cau 57. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, hai mat phang (SAB) va
(SAD) cung vuéng géc véi day, biét dién tich day bang m. Thé tich V cta khéi chép S.ABCD
la:
1 1 1 1
A. V:§mSD B. VzngB C. V:§mSC D. VzngA

@ Cau 58. hinh chép S.ABCD d&y 1a hinh chit nhat ¢c6 AB =2av/3;AD =2a. Mat bén (SAB) 1a
tam gidc déu va ndm trong mat phang vudng géc véi day. Thé tich khéi chép S.ABD la.

2
A. §a3. B. 4v3d°. C. 4a3. D. 2v3d°.

@ Cau 59. Cho hinh chép S.ABCD c6 day 1a hinh vuéng canh a; hinh chiéu ctia S trén (ABCD)
. 3 , o ]
trung véi trung diém cta canh AB; canh bén SD = ?a. Theé tich caa khoi cho S.ABCD tinh

theo a bang:

3 3 3 3
A OV5 B, V3. c. V7. D. &
3 3 3 3
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@ Cau 60. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, (SAD)L(ABCD), SA =

, . B Noil

SD. Tinh thé tich V ctia khéi chép S.ABCD biét SC =2 .
3 3 3
A.V:“z‘ﬁ. B. V =243, C.V:“éﬁ. D.V:%.

@ Cau 61. Cho t dién ABCD c¢6 ABC 1a tam gidc vudng can tai C va nam trong mat phang
vudng géc véi mat phing (ABD), tam gidac ABD la tam gidc déu va ¢6 canh bing 2a. Tinh thé
tich ctia khéi ti dién ABCD.

a®V3 a®V3

A. a3V2. B. 3 C. a3V3. D. 9

@ Cau 62. Cho khéi chép S.ABCD c6 ABCD la hinh vuéng canh 3a. Tam gidc SAB can tai S
va nam trong méit phang vuéng géc véi day. Tinh thé tich V cta khdi chép S.ABCD, biét géc
gitta SC va (ABCD) bang 60°.

9a3v15

A. V =18a%V15. B. V =18a3V3. C. V= R D. V=9¢3V3.

@ Cau 63. Cho hinh chép S.ABC c6 day ABC la tam gidc vudng can tai B, ¢6 BC = a. Mt
phang (SAC) vuong goéc véi mat day, cac mat bén con lai déu tao v6i mat day mot goc 45°. Tinh
thé tich khéi chép S.ABC.
3 3 3 3
A L B. = c. V3 D, ©Y3.
12 4 6 4
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@ Cau 64. Cho hinh chép S.ABC c6 tam giac SAB déu canh a, tam gidc ABC can tai C hinh

chiéu ctia S trén mit phang (ABC) la trung diém cta canh AB, dudng thang SC tao véi mét

day mot géc 30°. Tinh theo a thé tich V cta khoi chép S.ABC
3 3v3 3 3

A. V:%a‘g. B. V:T\/_a3. C. Vz%a‘q’. D. V:§a3.

@ Cau 65. Khéi chép S.ABCD c6 day 1a hinh vuéng canh bang 1, tam gidc SAB déu va ndm
trong mat phang vudng géc véi mat phang (ABCD). Thé tich khéi chép trén gan sb nao sau
day nhat?

A. 04, B. 0,3. C. 0,2. D. 0,5.

@ Cau 66. Cho hinh chép S.ABCD c6 day 1a hinh vuéng canh a, méit bén (SAB) 14 tam giac
déu va nam trong mat phang vuéng géc véi mp day. Thé tich khoi chép S.ABCD la:

5.3 3.3 3
a a a
. B. Vgapcp = . C. Vgapcp = 3 D. Vs.apcp =a®V3.

A. Vs apep =

@ Cau 67. Cho hinh chép S.ABCD cé day ABCD 14 hinh chit nhat véi AB =2a,AD =av/2. Tam
gidc SAB déu va nam trong méit phang vuong géc véi day. Thé tich V cta hinh chép S.ABCD
la:

2a3V/3 a®V6 226 3a3v/2

A V= . B. V= . C. v= . D. V= .
3 3 3 4
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@ Cau 68. Cho hinh chép S.ABCD cé day la hinh chit nhat véi AB = 2a, AD =a. Tam giac
SAB la tam giac can tai S va nam trong méit phang vudng géc véi ddy. Géc gitta mat phang
(SBC) va (ABCD) bang 45°. Khi d6 thé tich khoi chép S.ABCD la
2 1
A. 243 B. -ad. C. §a3. D. a3
3 3 3

@ Cau 69. Cho khdi chép S.ABCD c¢6 ABCD 1a hinh vuéng canh 3a. Tam gidc SAB can tai S
va nam trong mat phang vudng géc véi day. Tinh thé tich khoi chép S.ABCD biét géc gitia SC

va (ABCD) bang 60°.
A. Vs apcp = 18a®V3. B. Vs agcp = 9a3V15.
9a3v15
C. Vsapep = 5 D. Vs agcp = 18a3V3.

@ Cau 70. Cho khéi chép S.ABC c6 SAB la tam gidc vudng can tai S va nam trong miat phang
vuéng géc véi (ABC), AB = 2a va tam gidc ABC c6 dién tich bang3a2. Thé tich khéi chép S.ABC
bang.

A. 3d3. B. 6a3. C. a3 D. 243V3.

@ Cau 71. Cho hinh chép ti gide S.ABCD c6 day 1a hinh vuéng canh v/2a. Tam gidc SAD can
tai S va mit bén (SAD) vudng géc véi mat phang day. Biét thé tich khéi chép S.ABCD bang
4 < 5
§a3. Tinh khoang cach 4 tit B dén méit phang (SCD).

2 3 4

A. h=—a. B. h=-a. C. h:§a. D. 2 =—a.
3 4 3 3
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@ Cau 72. Cho khdi chép tam gidc déu S.ABC c6 canh day bang a. Céc canh bén tao véi day
mot géc 60°. Tinh thé tich khoéi chép do.
a®V3 a®V3 a®V3 a®V3

. B. Vs.apc= 5 C. Vsapc = 5 D. Vs.apc = DI

A. Vs apc =

@ Cau 73. Cho hinh chép déu S.ABCD c6 canh day béng a va canh bén tao vé6i day mot goc
60°. Thé tich ctia hinh chép déu dé la:
3 3 3 3
A. af. B. “f. C. “2‘/5. D. “2‘/6.

@ Cau 74. Thé tich khéi tid dién déu c6 canh bang a la:

3 3 3 3
A TV2 B, ©V2 c. ©V2 p, 3a°v2
3 12 6 12

@ Cau 75. Cho khbi chép ti giac déu c6 canh day bang a, canh bén gip hai lan canh day.
Tinh thé tich V ctia khéi chép ti giac dé cho.

3 3 3 3
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@ Cau 76. Cho hinh chép ti gidc déu c6 canh day bang « va canh bén bang av/3. Tinh thé
tich V ctia khéi chép dé theo a.
3 3 3 3
A.V:“f. B.V:%. C.V:af. D.V:“\ém.

@ Cau 77. Cho hinh chép ti gidc déu cé tit ca cac canh bang nhau, dudng cao ciia mét mét
bén 14 av/3. Thé tich V cta khéi chép dé 1a:
2 2 2v2 4v2
A. V:%_a‘?. B. Vz%a?’. C. V:%_Oﬁ. D. V:T\/_a?’

@ Cau 78. Cho ti dién déu ABCD canh bang v2a. Tinh the tich cua khéi ti dién d6.
o3 \/— a3 \/— c. D, o3 \/—

A. V= B. V= = =
V= 12 V= 6 V= 3 V= 6

@ Cau79. Cho hinh chop déu S.ABCD c6 canh day bang 2a, khoang cach gitta hai duong
thang SA va CD bang av/3. Thé tich khdi chép déu S.ABCD bang?

4 3 3
A. 4a3V/3. B. o3V3. C. a’V3 D. a4 \/§

3 3
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@ Cau 80. Cho khdi chép déu S.ABC c6 canh bén bang a va cac méit bén hop véi day mot géc
45°. Tinh thé tich ctia khoi chép S.ABCtheo a.
3 3 3 3
A V15 B. V2 c. =~ p. V15
25 25 3 5

@ Cau 81. Cho hinh chép tt gidc déu cé tat ca cic canh bang nhau, dudng cao ciia mét miét
bén 12 /3. Tinh thé tich V ctia khoi chép dé.

3v2 4a3v2 3v2

A.V:a;/_. B. V =44%/2. C. V= “3‘/_. D.V:ag/_.

@ Cau 82. Cho hinh chép tam gidc déu canh day bang a va cac mat bén déu tao véi mit
phang day mot géc 60°. Tinh thé tich V ctia khéi chép.
3 3 3./9 3
A.V:af. B.V:GZf. C.V:af\;/_. D.V:ag/g.

@ Cau 83. Cho hinh chép ti gide déu c¢6 canh day bang a, canh bén bang av2. Thé tich khéi
chop la

3 3 3 3

A2 6§/§ B. 2“3‘@. c. 2 f D. ¢ g/g
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@ Cau 84. Cho (H) 1a khéi chép ti giac déu c6 tit ca cac canh bang 2. Thé tich cua (H)
bang:
4 4 4v3 4v2 4 4

A. —a°. B. —a?. C. —=a3. D. —a°.
5 3 3 3

@ Cau 85. Mot hinh chép tam giac déu cé canh bén bang b va canh bén tao véi mat phang
day mot géc a. Thé tich ctia hinh chép dé 1a

3 3 3 3
A. Tb‘q’cosasina. B. Zb3sin2acosa. C. Zb?’coszasina. D. Tb?’coszasina.

@ Cau 86. Khdi chép tam gidc déu cé tat ca cac canh bang a c¢6 thé tich bang

3 3 3
A TV3 B, ©V3 c. ©V2 D. “—.
12 4 6 3

@ Cau 87. Cho khéi chép S.ABCD. Néu thé tich khéi chép S.ABD bang V thi khdi chép
S.ABCD c6 thé tich bang bao nhiéu?

A. 3V. B. 4V. C. 2v. D. -V.
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@ Cau 88. Cho khéi chép S.ABCD c6 thé tich bang 1 va ¢6 day ABCD la hinh chit nhat. Goi

O 1a tam hinh chit nhat ABCD. Tinh thé tich khéi chép S.AOD.
1 1 1 2
A, - B. -. . - D. —-.
4 3 C 2 3

@ Cau 89. Cho hinh chép S.ABCD cé day ABCD la hinh vuéng tam O canh 2a. Biét SA vuong
géc v6i mat phang day va SA = a2 Tinh thé tich khéi chép S.ABO.
A 4aV2 2a3v2 a®v2 a®Vv2

3 12 C 12 D 3

@ Cau 90. Cho hinh chép S.ABCD c6 day la hinh chit nhat v6i AB = a,AD =2a, SAL(ABCD)va
SA =a+/3. Thé tinh khoi chép S.ABC bang:
2a%Vv/3 a®Vv3

A. a?V3. B. 22%V3. C. 3 D. 3

@ Cau 91. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a. Canh bén SA vuéng
géc v6i day va cé do dai bang a. Tinh thé tich khéi ti dién S.BCD.
a3 CL3 a3 a3
A, —. B. —. C. —. D. —.
2 4 6 3

@ Cau 92. Cho khéi ti dién OABC véi OA,0B,0C vudng géc tung doi mét va OA =a, OB = 2a,
OC = 3a. Goi M, N lan ludt 1a trung diém cua hai canh AC,BC. Thé tich ctia khéi ti dién
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OCMN tinh theo a bang

a’ 3a3 2q3
A, —. B. —. . ad. D. —.
4 4 C.a 3

@ Cau 93. Cho ti dién ABCD c6 cac canh BA,BC,BD d6i mot vuong géc véi nhau: BA = 3a,
BC =BD = 2a. Goi M va Nlan ludt 1a trung diém ctia AB va AD. Tinh thé tich khai chép
C.BDNM. 5 5
3 2
A.Vz%. B. V=4d°. c.v=" D. V =8a3.

@ Cau 94. Cho hinh chép S.ABCD c¢6 SAL(ABCD), ABCD 13 hinh chit nhat, SA =a, AB = 2a,

BC =4a. Goi M, N lan ludt 1a trung diém ctia BC, CD. Thé tich ctia khéi chép S.MNC la

a® a® ad a®

A, —. B. —. C. —. D. —.
5 2 4 3

@ Cau 95. Cho khbi ti dién déu ABCD canh béang a, M 1a trung diém BC. Thé tich V caa
khéi chép M.ABC bang bao nhiéu?
V3a? ad v2a? V2a?
A. V= . B. V=—. V= . D. v= .
v 24 v 2 C.v 12 v 24

@ Cau 96. Khi chiéu cao ctia mot hinh chép déu tang 1én » 1an nhung méi canh day giam di
n lan thi thé tich ctia né.
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A. Khong thay d6i. B. Ting lén n lan.
C. Tanglén n—1lan. D. Giam di » lan.

@ Cau 97. Tinh thé tich khéi chép ti gidc déu cé tit ca cac canh bang a.

3 3 3 3
A. 2“3‘/§. B. 2 f C. “f. D. ¢ 2‘/§

@ Cau 98. Cho khéi chép déu S.ABC c6 canh day bang a, tinh thé tich khéi chép S.ABC biét
canh bén bang a la:
a3 (13 \/§ a3 \/§ a3

A.V =—. B. V, = . C. V, = . D. V, =—.
S.ABC = S.ABC = g S.ABC 6 S.ABC = 1o

@ Cau 99. Cho hinh chép tit gidc déu S.ABCD cé canh day bang a, canh bén hdp véi day mot
géc 60°. Thé tich V ctia khéi chép S.ABCD bing
3v3 3V3 36 3V6
A.V:a;/_. B.V:a;/_. C.V:ag/_. D.V:a?:/_.

A 2, L3 A ~ - ., X 2~ « X ™ 6 N ~ M
@ Cau 100. Thé tich ctia khoi chép ti gidc déu cé chiéu cao bang % va canh day bang av/3

bang:

3 3 3 3
A. 3“2‘@. B. 3“4‘/§. C. “f. D. 3"2‘/6.
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@ Cau 101. Cho khbi lap phuong ABCD.A'B'C'D’ ¢6 thé tich V = 1. Tinh thé tich V; ctua khéi
lang tru ABC.A'B'C'.
1 1 1 2
A Vi==. B. Vi=-. C. vi=-. D. Vi=-.
3 2 6 3

@ Cau 102. Cho khoi chép S.ABC, M la trung diém ctia canh BC. Thé tich ctia khéi chép
S.MAB la 2a®. Thé tich khdi chép S.ABC bang.

A. 2a°. B. 4d°. C. —. D. —a°.

@ Cau 103. Cho ti dién ABCD c6 DA =1,DA1(ABC). AABC la tam giac déu, c6 canh bﬁng
) e DM 1DN 1DP 3 __ .. . L
1. Trén ba canh DA, DB, DC lay diéem M,N,P ma = = = —. The tich V cua ta

X DA 2°DB 3'DC 4
dién MNPD bang
V2 V3 V3 V2

A V=—. B. V=—. V=— D. V=—.
v 96 v 12 C.v 96 v 12

@ Cau 104. Cho khoi chép S.ABCD c6 thé tich 1a a®. Goi M,N,P,Q theo thi tu l1a trung diém
cia SA, SB, SC, SD. Thé tich khéi chép S.MNPQ la

3 2 3
A.

@ B~ c. v p. <
16 8 4 6
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@ Cau 105. Cho khbi chép S.ABC. Goi A/, B’ 1an ludt 1a trung diém ctia SA va SB. Khi d6 ti
s0 thé tich ctia hai khoi chép S.A’B'C va S.ABC bang
Al B. . c. L. D. ..
4 6 2 3

@ Cau 106. Cho hinh chép S.ABCD c6 ABCD la hinh binh hanh. M,N ,P,Q lan ludt la trung

diém ctia SA, SB, SC, SD. Ti s6 thé tich ctia khéi chép S.MNPQ va khoi chép S.ABCD la
A L B. 1 C D
1] 8 . . 4 . . 16 . . 2 .

@ Cau 107. Cho hinh chép S.ABCD c6 thé tich bang48, ddy ABCD hinh thoi. Cac diém

M,N,P,Q 1an ludt thude SA,SB,SC,SD théa:SA = 2SM,SB = 3SN,SC = 4SP, SD = 5SQ. Thé
tich khéi chép S.MNPQ 1a

4 6 2 8

A. - B. - C. =, D. -

5 5 5 5

(4 Cél_l\lOS. Cho hinh chép S.ABC c6 day la tam giac vuéng tai B, canh SA vudng goc véi day,
géc ACB =60°, BC =a, SA =av/3. Goi M 1a trung diém ctia SB. Tinh thé tich V cua khéi ti
dién MABC.
3 3 3

A v=_, 2

a a
B. = —. . = —, D. = —,
6 v 4 C.v 3 v 2

@ Cau 109. Cho ti dién ABCD. Goi B’ va C’ 1an lugt 1a trung diém cia AB,AC. Khi d6 ti s6
thé tich ctia khoi ti dién AB’C'D va khoi ABCD bang:
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1 1
A. —. —.
2

B.
4

=
| =

@ Cau 110. Cho tit dién MNPQ. Goi I,J,K lan ludt 1a trung diém cac canh MN,MP,MQ. Tinh

. %
ti s thé tich MK
1 MNPQ 1 1 1
A, —. B. -. C. -. D. —.
6 3 4 8

@ Cau 111. Cho khéi ti& dién OABC véi OA,0B,0Cvudng géc ting doéi mot va OA = a,0B =
2a,0C = 3a. Goi M,N lan ludt 1a trung diém cta hai canh AC,BC. Thé tich cta khéi ti dién

OCMN tinh theo a bang:
3 9243 3
A 2% B. o*. c. 2 D. L.
4 3 4

@ Cau 112. Cho khéi chép S.ABC, M la trung diém ctia canh SA. Ti sb thé tich ctia khdi chép
S.MBC va thé tich khéi chép S.ABC bang.
1

A. 1 B. l C.
6 2

D. >
4

@ Cau 113. Mot hinh hop chit nhat c¢6 ba kich thudc 1a x, y, z. Thé tich khéi hop chit nhat

bang
1
A. x.y.z. B. 3%z C. (x+y).z. D. (x+2).y.
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@ Cau 114. Thé tich ctia mot khéi 1ap phuong c6 canh bang 1m 1a:
1
A. V=3m. B. V=1m3. C. V:§m3. D. V =1m2.

Cau 115. Thé tich ctia hinh lap phudng c6 canh béng 2 14 bao nhiéu?
A. V=6 B. v =8. C. v=4. D. vV =16.

@ Cau 116. Cho hinh lap phudng c6 canh bang 1. Dién tich ctia mét cAu ngoai tiép hinh lap
phuong doé bang
A. 3. B. 127. C. n. D. 67n.

@ Cau 117. Thé tich hinh lap phuong canh v/3 1a:
A B. 3. C. 6V3. D. 3v3.

w

@ Cau 118. Tinh thé tich caa khéi 1ap phuong c6 canh bang a.
3 243 3
A v=_ B. V=dd. C. V=", D. V="
3 3 6
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@ Cau 119. Cho hinh lap phudng c6 thé tich bang 8. Dién tich toan phan cia hinh lap phuong
la
A. 36. B. 48. C. 1e. D. 24.

@ Cau 120. Mot khéi 1ap phuong c6 d6 dai canh bang 5, thé tich khéi 1ap phudng da cho
bang
A. 243. B. 25. C. 81. D. 125.

@ Cau 121. Dién tich toan phan cua khéi l4p phuong bang 96cm?2. Khi d6 thé tich khéi lap
phuong 1a?
A. 24V3. B. 64. C. 24. D. 48V6.

@ Cau 122. Thé tich khéi 1ap phuong c¢6 canh bang 10 cm 1a

1000
A. V =1000 cm?. B. V =500 cm?. C. V= 3 cm?.

D. V =100 cm?.

@ Cau 123. Thé tich ctia khéi 1ap phuong c6 canh bang 2.
A. 4. B. C. 6. D. 8.

Wl o
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@ Cau 124. Thé tich khéi 1ap phuong c6 canh 3a 1a
A. 243 B. 2743. C. 8a®. D. 3a3.

@ Cau 125. Khbéi 1ap phuong c6 dusng chéo bang 2a thi ¢ thé tich 1a

A. i0L3. B. 8a3. C. 5. D. 2v245.
3v3

@ Cau 126. Cho (H) 1a khéi 1ap phuong c6 d6 dai canh bang 3(cm). Thé tich cua (H) bang
A. 27(cm?). B. 3(cm?®). C. 9(cm?). D. 27(cm?®).

@ Cau 127. Goi V la thé tich cta hinh 1ap phuong ABCD.A'B'C'D’, V; 1a thé tich cta tit dién
A’ABD. Hé thic nao sau day la dung?
A. V=2V,. B. V=3V,. C. V=6Vi. D. V =4V;.

@ Cau 128. Tinh theo a thé tich V cta khéi 1ap phuong ABCD.A'’B'C'D’ biét AC' =a.

3 3 3
A.V:\/ia. B.V:‘/§3“. C. V =334 D.V:g—7.
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@ Cau 129. Tinh thé tich ctia khéi lap phuong ABCD.ABCD biétAD = 2a.

2v2
A. V=d3. B. V =2v245. C. V =8a3. D. V:T\/_a?’.

@ Cau 130. Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 dién tich m&t chéo ACC'A’ bang 2v/2q2.
Thé tich ctia khdi lap phuong ABCD.A'B'C'D’ 1a.
A. ad. B. 8a3. C. 243 D. 2v2a3.

@ Cau 131. Tinh thé tich V cta khdi lap phuong ABCD.A'B'C'D’, biét AC' =aV/3.
1 3v6 3
A V=zdb. B. V =3v3d%. C. V= \/;“ . D. V=d3.

@ Cau 132. Cho khéi hop chit nhat c¢6 ba kich thuée 1an ludgt bang 2, 3, 5. Thé tich cta khéi
hép chit nhat da cho bang
A. 30. B. 15. C. 10. D. 60.
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@ Cau 133. Cho khéi lap phuong c6 duong chéo ctia mét bén bang 5v/2. Thé tich ctia khdi lap
phuong da cho bang

A. 125. B. 2502. Cc. =, D. 125v2.

@ Cau 134. Cho khéi 1ap phuong c6 dudng chéo bang 3v/3. Thé tich cua khéi lap phudng da
cho bang
A. 27. B. 81V3. C. 9. D. 27V3.
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@ Cau 135. Cho hinh lang tru ding ABC.A'B'C’. Goi H 1a truc tam cta tam gidc ABC. Thé
tich khoi lang tru tinh dudc theo cong thic nao sau day?

1 1
A. VZSAABOCC,. B. V:SAABc.A,H. C. VZgSAABChA'A. D. V=§SAABC'.A'H.

@ Cau 136. Hinh ling tru ding ABC.A'B'C’ ¢6 day ABC la tam giic vudng tai B, canh AB =a,
canh BC =aV/3, canh bén AA’ = 2a+v/5. Thé tich cia khoéi lang tru d6 bang:
a®v15

A. 243V15. B. o3V/15. C. 3 D. o3v10.

@ Cau 137. Cho hinh ling tru ding c6 dién tich ddy 1a 3a®, d6 dai canh bén bang 2a. Thé tich
khoi lang tru nay bang
A. 243 B. &3 C. 3a3. D. 6a3.

@ Cau 138. Cho khéi lang tru ¢ dién tich ddy bang a? va khoang cach giita hai day bang 3a.
Tinh thé tich V ctia khéi ling tru da cho.

3
A. V:§a3. B. V =3d5. C. V=a5. D. V =943.
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@ Cau 139. Cho hinh lang tru ding ABC.A'B'C’ ¢6 day ABC la tam gidc vudng can tai A,
AB=a va AA' =av/3. Thé tich khoi ling tru ABC.A'B'C’ bang
3aV/3 a®v3 a®v3

3
A. g B. 3a3V3. C. 5 D. 6

@ Cau 140. Cho hinh lang tru ding c6 dién tich day 1a v/3a?2. D6 dai canh bén 14 av/2. Khi d6
thé tich ctia khoi lang tru la:
V6a?

A. V6ad3. B. V3a3. C. V2a3. D. 3

@ Cau 141. Khoéi lang tru c6 dién tich day bang 3a2, chiéu cao bang a c6 thé tich bang
1 3
A. a. B. 3a3. C. §a3. D. §a3.

@ Cau 142. Cho lang tru ding ABC.A'B'C' biét tam gidc ABC vudng can tai A,AB =2AA' =a.

Thé tich khdi lang tru da cho la:

3 3 3
a a a 3

A, —. B. —. C. —. D. a°.
2 12 4
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@ Cau 143. Cho lang tru ding ABC.A1BC; c6 day ABC la tam giac vudng tai B v6i AB = 3a,
AC =5a, A1B =4a. Tinh thé tich V cta liang tru ABC.A;B1C1?
A. V=6V7a3. B. V=2V7d3. C. V =30a3. D. V =12V7a3.

@ Cau 144. Cho ABC.A'B'C’ 1a khéi lang tru ding c6 A’B =a\/5, AB =a day ABC c6 dién tich
bang 3a2. Thé tich ctia khéi ling tru ABC.A'B'C’ bang.
A. o3 B. 6a3. C. 4d. D. 243

@ Cau 145. Cho hinh lang tru ding ABC.A'B'C’, ¢6 géc gitta A'B va (ABC) bang 45ficirc; day
ABC la tam giac vudng can tai A va BC = 2v/2a. Thé tich khdi lang tru ABC.A'B'C’ bang.
A. 4a3. B. 303 C. a®. D. 243

@ Cau 146. Cho hinh hop diing ABCD.A'B'C'D’ c6 canh bén AA' = h va dién tich tam giac
ABC bang S. Thé tich ctia khéi hop ABCD.A'B'C'D’ bang:
2

A. V:%Sh. B. V:§Sh. C. V=Sh. D. V =2Sh.

@ Cau 147. Cho hinh lang tru ding ABC.A'B'C’ ¢6 day ABC la tam giac vudng tai A. Biét
rang AB=3, AC =4, AA’ =5. Tinh thé tich khoi ling tru ABC.A'B'C’ 1a
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A. 30. B. 60. C. 10. D. 20.

@ Cau 148. Khéi ling tru c¢6 day 1a hinh vudng canh a, dudng cao bang av3 cé thé tich

bang
3 3
A. a3V3. B. 2a3V3. C. a g/§ D. ¢ f

@ Cau 149. Cho hinh lang tru ding ABCD.A'B'C'D' ¢6 day la hinh thoi, biét AA’ =4a, AC =
2a, BD =a. Thé tich ctia khéi lang tru la

A. 243, B. 8a3. C. —. D. 443.

@ Cau 150. Cho khéi ling tru ding ABC.A'B'C’ ¢6 CC' = 2a, ddy ABC la tam gidc vudéng can

tai B va AC = av/2. Tinh thé tich V ctia khéi lang tru da cho.
3 3

A. V=d3. B. V:%. C. V =245 D.v=2.

@ Cau 151. Cho lang tru ding ABC.A'B'C’' ¢6 day 1a tam gidc vudng tai A, AC = a,ACB = 60°
géc gitta BC'va (AA'C) bang 30°. Tinh thé tich V cta khoéi lang tru ABC.A'B'C’.

3 3 3
A. V=d3Ve. B. V=22 C.V:af. D.V:az\/é.

V6
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@ Cau 152. Cho hinh lang tru ding ABC.A'B'C’ c6 tam gidc ABC vudng tai A, AB=AA'=a,

AC =2a. Tinh thé tich khéi lang tru da cho.
e o

3 3 C. 5. D. 243.

@ Cau 153. Lang tru ding ABC.A'B'C’ c¢6 day ABC la tam giac vuéng can tai B. Biét AC =
av2, AA' = 2a. Khi d6 thé tich cta lang tru dé bang.
3 4 3
A. a3. B. %. C. 4a3. D. %.

@ Cau 154. Cho khéi léng tru ding ABC.A'B'C’ ¢6 B'B = a, ddy ABC la tam giac vudng can

tai B va AC = av/2. Tinh thé tich V ctia khéi lang tru da cho.

3 a3 3

A v=2, B. V =d5. c.v=2%. D.v=2.
3 6 2

@ Cau 155. Trong hinh lang tru ding ABC.A'B'C' c6 AB=AA' =a, BC =2a, AC = a+/5. Khang
dinh nao sau day sai?

A. Géc gitta hai mat phéng (ABC) va (A'BC) ¢6 sb do bang 45°.

B. Hai mit phang (AA’B'B) va (BB'C) vudng géc véi nhau.

C. AC'=2aV2.
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D. Day ABC la tam giac vuong.

@ Cau 156. Cho khéi ling tru ding ABC.A'B'C’ ¢6 BB' = a, ddy ABC la tam giac vudng can
tai B va AC = aVv/2. Tinh thé tich V ctia khéi lang tru da cho.
3 3 3

A v=2, B.v=2, c.v=2%. D. V=d3
6 3 2

@ Cau 157. Cho hinh lang tru ding ABC.A'B'C’ ¢6 day ABC la tam gidc vudng can tai A,
AB=a va AA' =aV/3. Thé tich khoi lang tru ABC.A'B'C’ bang
3aV/3 a®v3 a®v3

3
A. g - B. 3a3V3. C. g D. 6

@ Cau 158. Tinh thé tich V cta khéi lang tru ding ABC.A'B'C’ ¢6 day ABC la tam giac vudng
tai C, AB=2a, AC=a va BC'=2a
3 443 3
A.V:ag/g. B.V:%. C.V:af. D. V = 4d.

@ Cau 159. Cho hinh lang tru ding ABC.A'B'C’' c6 day ABC la tam giac vudéng can tai B,
AB = a, géc gitta dudng thang A'C va mat phang (ABC) bang 30ficirc. Thé tich ctia khéi lang
tru ABC.A'B'C’ bang:
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3 3 3 3
A OVE B. 22°V6 c. ©V6. p, ©V6.
18 3 2 6

(4 Cau 160. Cho khéi ling tru ding ABC.A'B'C’ ¢6 day 1a tam gidc can ABC v6i AB=AC =a,
géc BAC =120°, mit phang (AB'C’) tao véi day mot géc 30°. Tinh thé tich V ctia khéi ling tru
da cho.

A v=2, B.v=2, c.v=2%, D. V=22,
6 8 8 8

@ Cau 161. Cho lang tru ding tam gidc ABC.A’B'C’ c6 day ABC la tam gidc vudng can tai B.
Biét AC =av2, A'C =a/3. Tinh thé tich khéi lang tru ABC.A’B'C’.
3 3 3 3
AL B. ~. c. 2 p. ©V3
2 6 3 2

@ Cau 162. Cho lang tru ding ABCD.A'B'C'D’ ¢6 day 1a hinh thoi canh bang 1, BAD = 120°.
Géc gitta duong thang AC’ va mat phang (ADD’A’) bang 30°. Tinh thé tich khéi ling tru.

A V= VB B. v:?. C. v:?. D. V= V3.

@ Cau 163. Cho khdi lang tru ding ABC.A'B'C’ ¢6 day la tam giac vuong ABC vudng tai A,
AC =a, ACB = 60°. Pudng thang BC’' tao v6i méit phang (A’C’'CA) géc 30°. Tinh thé tich khéi
lang tru da cho.
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3 3
A. 2V3d5. B. «3V6. C. a \/§ D. 4 3\/§

@ Cau 164. Tinh theo a thé tich khéi lang tru diing ABCD.A’B'C'D’ c6 day la hinh thoi canh
a, géc BAD bang 60° va canh bén AA’ bang a.
V3 3

23 l3 vy 3
A.2a. B.2a. C.2a. D. v3ad3.

@ Cau 165. Cho khéi ling tru ding ABC.A'B'C’ ¢6 BB' =a, day ABC la tam gidc vudng can

tai B va AC = av/2. Tinh thé tich V ctia khéi lang tru da cho.
3 3 3
A v=_, B.v=". c.v=2. D. V=d°.
2 6 3

@ Cau 166. Cho ling tru ding tam giac ABC.A'B'C’ ¢6 day ABC la tam giac vuong can tai B
v6i BA = BC =a, biét A'B hdp véi méit phang (ABC) mot géc 60°. Thé tich lang tru la:
3 3 3
A2 2‘/§ B. ¢ f. c. 2 6§/§ D. a3V3.

@ Cau 167. Cho lang tru ding ABC.A'B'C’ ¢6 day 1a tam gidc vuong tai A,AC =a,ACB = 60°.
Puong chéo BC' ctia mit bén (BCC'B’) tao véi mat phang (AA'C'C) mét géc 30°. Tinh thé tich
ctia khoi lang tru theo a.

Suu tam va bién soan



3. THE TICH KHOI DA DIEN ¥ GV: Doan Thinh

3 3 3
A. “2‘/6. B, ©V6 c. 2v6a’ D. 43V6.

@ Cau 168. Cho hinh lang tru dimg ABC.A'B'C' ¢6 day ABC la tam giac déu canh a. Géc giita
duong thang A’'B va mat phang (ABC) bang 45°. Thé tich V cta khéi léng tru da cho la:
3 3 3 3
A D3 B, V3, c. V3, . ©V3,
24 4 12 6

@ Cau 169. Cho ling tru ding ABC.A'B'C' ¢6 day 1a tam gidc can tai A, AB=AC =2a; CAB =
120°. Géc gitia (A'BC) va (ABC) 1a 45°. Thé tich khoi ling tru 1a.
3 3
3
A. ¢ 2\/_ B. 243V3. C. a3V3. D. a4 3\/§

@ Cau 170. Cho ling tru ding ABC.A'B'C’ ¢6 day ABC la tam gidc vudng tai A;BC = 2a;ABC =
30°. Biét canh bén ctia lang tru bang 2av/3. Thé tich khoi lang tru 1a.
A. 3d3. B. 3a3. C. 6a3. D. 2a3V3.

@ Cau 171. Cho lang tru ding ABC.A'B'C’ c¢6 dday ABC la tam giac can tai A, AB=AC =
2a,CAB =120°. Géc giita (A'BC) va (ABC) 1a 45°. Tinh thé tich V cta khéi lang tru.

3
A v=2 f B. V =a3V/3. C. V=dd. D. V =243,
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@ Cau 172. Tinh thé tich V ctia khéi ling tru ding ABC.A’B'C’ ¢6 day ABC la tam giac vudng
tai C, AB=2a, AC =a va BC' =2a.
43 3 3
A V=" B. V = 4d?. C.V:af. D.V:“f.

@ Cau 173. Choling tru ding ABC.A'B'C’ c6 day ABC la tam gidc vudng can tai B, AB = a /5.
Géc gitta canh A’B va mat day 1a 60°. Tinh thé tich lang tru ABC.A'B'C'.
50315

A. 15a3V/5. B. 15a%V3. C. R D. 543V/3.

@ Cau 174. Cho hinh lang tru diing ABC.A'B'C'cé day ABC la tam giac vuoéng véi AB=AC =
a, géc gitta BC' va (ABC) bang 45°. Tinh thé tich khoi lng tru.
3v2 3V2 3v2
AL gf B. & 2[ C. a®V3. D. 2 f.

@ Cau 175. Cho hinh ling tru ding ABC.A'B'C’ ¢6 day la tam gidc vuong can tai A, BC =2a
va AA’ =2q. Tinh thé tich V cta hinh ling tru da cho.
2a3

A. V =245. B. V:?. C. V=d5. D. V =3ad°.
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@ Cau 176. Tinh thé tich V ctia khéi ling tru ding ABC.A'B'C’ ¢6 day ABC la tam giac vudng
tai C, AB=2a, AC =a va BC' = 2a.
4a® 3V3 3V3
A V=2 B. V =443 C.V:ag/_. D.V:az\/_.

@ Cau 177. Cho lang tru ding ABC.A'B'C’ ¢6 day la tam gidc vuong tai A, AC =a, ACB = 60°.
Puong chéo BC' ctia mit bén (BCC'B’) tao v6i mét phang (AA'C'C) mét gée 30°. Thé tich cta
khoi ling tru theo a la.

a®v6

3 3
A. 2‘/36“ . B. “2‘/6. C. 43V6. D.

@ Cau 178. Cho khéi ling tru ding cé canh bén bing 5, day 1a hinh vuéng c¢6 canh bang 4.
Hobi thé tich khéi lang tru la:
A. 100. B. 20. C. 64. D. 80.

@ Cau 179. Lang tru tam giac déu c6 d6 dai tat ca cac canh bang 3. Thé tich khéi lang tru da

cho bang
A 2 B V8 c. 73 p. 93
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@ Cau 180. Thé tich V cta khéi ling tru tam gidc déu c6 canh ddy bing 2a va canh bén bang

ala
3 3 3
A.V:az\/g. B. V =a3\/3. C.V:“f. D.V:“f.

@ Cau 181. Tinh thé tich V ctia khéi ling tru tam gidc déu c6 tit ca cac canh déu bang a.
V243 V243 V343 V343

A V=" B. v=Y"2 Lv= Y3l D. v=Y3%
V3 V4 CV2 V4

@ Cau 182. Cho hinh lang tru ding ABC.A'B'C’ ¢6 day la tam gidc déu canh a, canh bén
AA’ =av/2. Thé tich cta khéi lang tru la
3 3 3 3
A 26 B. 2%, c. ©V3 . ©V6
4 4 12 12

@ Cau 183. Cho (H) 1a khéi lang tru ding tam gidc déu cé tit ca cac canh déu bang a. Thé
tich cua (H) bang:
3 3 3 3
A 2 B L3 c. L3 p. L2
2 2 4 3
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@ Cau 184. Cho ling tru ding tam gidc MNP.M'N'P’ ¢6 day MNP la tam gidc déu canh a,
duong chéo MP’ tao véi mit phang day mot géc bang 60°. Tinh theo a thé tich cta khdi ling
tru MNP.M'N'P’.

v3a3 V2a? 3a3 V2a?

A.2. B.3. C.T. D.4.

@ Cau 185. Thé tich ctia khéi lang tru tam gidc déu c6 tit ca cac canh biang a 1a.
3 2 2
A. %a?’. B. §a3. C. %a‘g. D. ?a?’.

i\ Cau 186. Cho lang tru tam gidc déu ABC.A’B'C’ c¢6 d6 dai canh day biang 2a, canh bén
bang av/3. Tinh thé tich V caa ling tru.
A. V=243 B. V=4a3V3. C. V =3ad5. D. V =243V3.

@ Cau 187. Cho hinh léng tru tam giac déu c6 cac canh déu bang 2a. Thé tich khéi lang tru

déu la: ; , ;
A. 2“3‘/§. B. 243V/3. C. ‘% D. 2%
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CHUONG 2/ MAT NON - MAT TRU - MAT CAU

BAIT.  KHAI NIEM VE MAT TRON XOAY

@ TOMTAT LY THUYET

€ MATNON

Dinh nghia 1.

Trong mat phang (P) cho hai dudng théng d va A cat nhau tai diém
O va tao véi nhau mét géc B véi 0° < f < 90°. Khi quay mat phang (P)
xung quanh A thi dudng thang d sinh ra mét mit tron xoay dudc goi
la mat non tron xoay dinh O.

Ngudi ta thuong goi tt mat nén tron xoay 1a mdt non.

Puong thang A goi 14 truc, dudng thang d goi 1a duong sinh va géc
2 goi la goc 6 dinh cia mat nén do.

Dinh nghia 2.
Cho tam giac OIM vuoéng tai I. Khi quay tam giac d6 xung quanh 0

canh géc vuong OI thi duong gap khic OMI tao thanh mét hinh

goi 1a hinh nén tron xoay, goi tat 1a hinh nén.

Puong thang OI goi 1a truc, O goi 1a dinh, OI goi 1a duong cao va

OM goi la duong sinh ctia hinh nén.

Hinh tron tam I, ban kinh » = IM goi la day cta hinh nén. M
Phan mit tron xoay dudc sinh ra béi cac diém trén canh OM khi

quay quanh OI dudc goi la mdt xung quanh ciia hinh néon do.
Pinh nghia 3.

Khéi nén tron xoay la phan khong gian dudc giéi han béi mot
hinh nén tron xoay, ké ca hinh nén d6. Ngudi ta con goi téat
khéi nén tron xoay 1a khdi non.

Nhiing diém khéng thudc khéi nén dudc goi la nhitng
diém ngoai caa khéi nén.

Nhiing diém thudc khéi nén nhung khéng thudce hinh nén ting
v6i khoéi nén ay dude goi 1a nhitng diém trong ctia khéi nén.
Ta goi dinh, mat, day, dudng sinh cia mét hinh nén theo thu
tu 1a dinh, mdt ddy, duong sinh cta khdi nén tuong dng.

Tinh chat 1. Goi & 1a chiéu cao, / 1a d6 dai dudng sinh va r 14 ban kinh ddy caa hinh
non, ta co
Dién tich xung quanh cta hinh nén | S, =nrl |
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I — Thé tich ctia khéi nén |V = %Sh = %nrzh (S la dién tich day).
€ WMATTRY
Dinh nghia 4.
Trong mat phang (P) cho hai dudng thang A va [ song song nhau,
cach nhau mot khoang r. Khi quay (P) quanh truc c6 dinh A r N
thi duong thang ! sinh ra mét mit nén tron xoay dudc goi la \\i_]y C
mdt tru tron xoay hay goi tat 1a mdt tru. ,
Puong thang A goi 1a truc, dudng thang ! goi 1la duong sinh va Al l
khoang cach r goi la ban kinh cia mat tru. e 7. BT
’ fu ¥
rA D

DPinh nghia 5. Khi quay hinh chit nhat ABCD quanh canh AB thi dudng gap khic
ABCD tao thanh mét hinh dudc goi 14 hinh tru tron xoay hay goi tat 1a hinh tru.

Puong thang AB goi 1a truc, doan thiang CD goi 1a duong sinh, d6 dai AB = CD goi la
chiéu cao, hai hinh tron (A;AD) va (B;BC) goi 1a hai ddy cta hinh tru.

Khéi tru tron xoay, goi tat 14 khéi tru 1a phan khong gian giéi han béi hinh tru tron xoay,
ké ca hinh tru.

Tinh chéit 2. Goi & 1a chiéu cao va r 12 ban kinh ddy ctia hinh tru, ta 6
— Dién tich xung quanh cta hinh tru|S,, =27rh |

— Thé tich khéi tru|V = Sh = nr?h | (S 1a dién tich day).

@ TRAC NGHIEM

@ Cau 1. Cho tam gidc ABC vuodng tai A. Khi quay tam gidc ABC (ké ca cac diém trong)
quanh canh AC ta dudc
A. Mat non. B. Khoi non. C. Khoi tru. D. Khoi cau.

@ Cau 2. Cho hinh nén tron xoay c¢6 ban kinh dutng tron day r, chiéu cao 4 va dudng sinh /.
Keét luan nao sau day sai?

A. V:EnrQh. B. S,;, =arl+ar?. C. h2=r2+]2. D. S,, =nrl.
3 p q
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@ Cau 3. Goi [, h, R 1an lugt 13 d6 dai duong sinh, chiéu cao va ban kinh day ctia hinh nén.
Pang thic nao sau day luoén dang?

A. I2=h%+R2 B. 112

_ 2_712_ 72 2 _
ﬁ_ﬁ-’-ﬁ. C. R°=h“+1°. D. I“=hR.

@ Cau 4. Cho hinh nén c6 dudng sinh bang 4a, dién tich xung quanh bang 87a?. Tinh chiéu
cao cua hinh non doé theo a.

A. 2a. B. 2“f. C. av3. D. 2aV/53.

@ Cau 5. Cho hinh nén c6 dién tich xung quanh la S,, va ban kinh ddy 1a r. Cong thic nao

duéi day dung dé tinh dudng sinh / ctia hinh nén da cho.
S 28 S

A 1=22 B. [=—21. C. 1=2184r. D. ="

nr nr onr

@ Cau 6. Cho hinh nén c6 d6 dai duong sinh bang 6cm, géc ¢ dinh bang 60°. Thé tich khbi
non la:
A. 27mcem?. B. 97cm?B. C. 9vV3macem?. D. 27c¢m3.
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@ Cau 7. Cho hinh nén ¢6 ban kinh duong tron day bang R, chiéu cao bang 4, 6 dai dusng
sinh bang /. Khang dinh nao sau day la dang?
A. [ =VR2-p2 B. R=1?2+h2 C. h=vVR2-]2, D. [ =VR2+h2.

@ Cau 8. Trong khong gian, cho tam gidc ABC vudng tai A, AB = 3a va AC = 4a. D dai duong
sinh / ctiia hinh non nhéan dudc khi quay AABC xung quanh truc AC bang
A. l=a. B. I = 2a. C. 1 =V3a. D. [ =5a.

@ Cau 9. Tim ban kinh r ciia mat nén biét dién tich toan phan ctia mit nén bang 47 va do
dai duong sinh [ = 3.
2

A, r=—. B. r=2. C.r:é. D. r=1.
3 3

A A A , , [N , M N 2 , , ]- . »
@ Cau 10. Mot khoi nén c6 dién tich xung quanh bang 27 cm? va ban kinh day r = 5 Khi do
do dai duong sinh la
A. 3 cm. B. 1cm. C. 2cm. D. 4 cm.

@ Cau 11. Trong khong gian, cho tam gidc ABC vudng tai A, AB =a va ABC = 30°. Tinh d%
dai duong sinh / ciia hinh nén nhan dudc khi quay tam giac ABC xung quanh truc AC.
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A= B. /= D. =

ﬁ.

A
AL
Sle

@ Cau 12. Cho hinh nén c6 dién tich day bang 97, dudng sinh tao véi mét day mot géc bang
45°. Tinh d6 dai duong sinh.
A. 2. B. 3. C. 3v2. D. 2V2.

@ Cau 13. Cho hinh nén c6 ban kinh day 1a r» = v/3 va d6 dai dudng sinh [ = 4. Tinh dién tich
xung quanh S cua hinh non da cho.
A. S=8V3m. B. S=24n. C. S=16V3n. D. S=43x.

@ Cau 14. Cho hinh nén cé ban kinh day r = v3 va d6 dai dudng sinh [ = 4. Tinh dién tich
xung quanh S,, ctia hinh nén da cho.
A. S,y =12n. B. S, =4V3n. C. S.q=V397. D. S,,=8V3m.

@ Cau 15. Cho hinh nén c6 ban kinh day r = v2 va d6 dai dudng sinh I = 3. Tinh dién tich
xung quanh S,, caa hinh nén da cho.
A. S, = 67V2. B. S, = 37V2. C. Sy, =6m. D. S,, =27.
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@ Cau 16. Tinh dién tich toan phan ctia hinh nén c¢é ban kinh day bang 4a, chiéu cao bang
3a.
A. 20ma?. B. 157a?. C. 24na®. D. 36ma?.

@ Cau 17. Tinh dién tich xung quanh ctia mét hinh nén c¢6 ban kinh dudng tron day 1 4 cm
va d6 dai duong sinh la 5 cm.
A. 157 cm? . B. 207 cm? . C. 97v3 cm? . D. 127 cm? .

@ Cau 18. Mot khéi tru c6 d6 dai dudng sinh bang 10, biét thé tich cta khéi tru bang 907.
Tinh dién tich xung quanh caa khoi tru.
A. 607. B. 787. C. 81x. D. 907.

@ Cau 19. Tinh dién tich xung quanh S cta hinh tru cé ban kinh day bang 5 va chiéu cao
bang 3.
A. 157. B. 327. C. 16m. D. 30x.
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@ Cau 20. Cho hinh nén dinh S, day 14 dudng tron taAm O va thiét dién qua truc l1a tam giac
déu canh a. Tinh thé tich hinh nén.
3 3 3 3
A B3 B. ©V3 c. O3 D. V3
24 6 12 36

@ Cau 21. Cho hinh nén c6 thiét dién qua truc la tam giac déu canh bang 2a. Tinh thé tich

cta khéi noén. ; , ;
A. V37143 . B. \/§;m . C. ‘/gg“ . D. \/§;m .

@ Cau 22. Cho hinh nén c6 chiéu cao bang 3 cm, géc gitia truc va dudng sinh bang 60°. Thé
tich ctia khéi nén la:
A. V =97 (cm?). B. V =547 (cm?). C. V =27n (cm?). D. V =187 (cm?).

@ Cau 23. Cho tam giadc ABC vudng tai A, AB =a,AC = 2a. Quay tam gidc ABC (ké ca cac
diém bén trong tam giac) quanh BC, ta thu dudc khoéi tron xoay. Tinh dién tich bé mat cta
khoi tron xoay do.

A 67ma> B. 3na?

. } C. 47na?. D. 27a2.
V5 V5
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@ Cau 24. Cho tam giac ABCvuéng tai A, AB = 3a, AC =4a. Goi M1a trung diém ctia AC. Khi
qua quanhAB, cac duong gap khiic AMB, ACB sinh ra cac hinh nén ¢6 dién tich xung quanh

X . S
14n lugt 14 Sy, So. Tinh ti sb S—l
2

v1 1 2 1

A D1 V18 B 21_1 c. S1_V2 p i 1

SQ 10 S2 4 S2 5 SQ 2

@ Cau 25. Thiét dién qua truc ciia mot hinh nén 14 mot tam gidc vudéng can cé canh huyen
bang 2v/3. Thé tich ctia kho6i nén la
A. 7v3. B. 37v3. C. 3x. D. 37v2.

@ Cau 26. Mot hinh nén c¢6 ban kinh déy bang 1 va cé thiét dién qua truc 12 mét tam giac
vuong can. Tinh dién tich xung quanh ctia hinh nén.
A. 77:- Bo \/é”. Co 2\/§7[- Do 77[.

@ Cau 27. Mot hinh nén c¢6 ban kinh déy bang 2 va cé thiét dién qua truc 12 mét tam giac
vuong can. Tinh dién tich xung quanh cta hinh nén.

A, 7. B. 2v27. C. 7. D. 4V2x.

el
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@ Cau 28. Cho hinh nén dinh S ¢6 chiéu cao bang ban kinh day va bang 2a. Mit phang (P)
di qua S cat dudng tron day tai A,B sao cho AB =2+v/3a. Tinh khoang cach tit tam cia dudng

tron day dén (P).
a B. av2
2

A. . C. a. D.
\/5 a

S

@ Cau 29. Cho hinh nén tron xoay cé chiéu cao & = 20 cm, ban kinh r = 25 cm. Mét thiét dién
di qua dinh ctia hinh nén c6 khoang cach tit tAm ctua day dén mat phang chita thiét dién 1a
12 cm. Tinh dién tich cta thiét dién dé.

A. S =500cm?, B. S =400cm?. C. S=300cm?. D. S =406 cm?.

@ Cau 30. Cho hinh hop chit nhat ABCD.A'’B'C'D’ c¢6 day 1a hinh vuéng canh a va canh bén
bang 2a. Tinh dién tich xung quanh S,, cia hinh nén c6 dinh 14 tdm O cta hinh vuéng
A'B'C'D' va day la hinh tron néi tiép hinh vuong ABCD.

2 2
A. S, =1a®V1T. B. sxq:”“—‘/ﬁ. zatVIT

) C. Sy ="5 D. S, = 21a®V17.

@ Cau 31. Cho hinh chép ti giac déu S.ABCD c6 canh day bang a va SAB = 60°. Tinh thé
tich V ctia khoi non dinh S va day la duong tron ngoai tiép mat day hinh chép S.ABCD.

A y_TeVE B. o7V C. voTV3 D, y_7aV2
12 12 6 6
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@ Cau 32. Mot hinh tru c6 chiéu cao bang 5 cm va ban kinh déy bang 2 cm. Tinh thé tich V
cua hinh tru.
A. V =207. B. V=10x7. C. V=18n. D. V =97.

@ Cau 33. Cho hinh tru c6 truc OO0’ va c6 chiéu cao bang ba 1an ban kinh ddy. Trén hai duong
tron day (O) va (0') 1an luot 1ay hai diém A va B sao cho OA L O'B. Goi ¢ 1a géc gitta AB va
truc OO’ cua hinh tru. Tinh tan¢.

2 3v2 1
A. tan(ng. B. tancp:T\/_. C. tan(ng. D. tang =3.

@ Cau 34. Khing dinh nao sau day la dung?
A. Mot mat phang vudng goéc véi truc cia mat tru thi cat mat tru theo giao tuyen la mot

duong tron.
B. Moi mat phéng song song véi truc ctia hinh tru thi cat hinh tru theo thiét dién 13 mét
hinh chtr nhat.

C. Mot mat phang di qua mot diém ndm ngoai hinh tru va mét diém nim trong hinh tru
thi cat hinh tru tai hai diém phan biét.
D. Moi hinh tru déu noéi tiép duge hinh ling tru c6 day 14 mét hinh thang can cho trude.

@ Cau 35. Mot hinh tru c6 ban kinh day R va c6 thiét dién qua truc 1a mét hinh vuéng. Dién
tich xung quanh va thé tich khéi tru dé bang

A. Sxq=4nR%V =2nR3. B. Sxq=27R2%V =27R3.

C. Sxq=47R?V =37R3. D. Sxq=27R%V =nR3.
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@ Cau 36. Cho khéi tru c6 thé tich bang 64n va c6 dé dai chiéu cao 4 bang ban kinh r caa

duong tron day. Tinh chiéu cao 4 ctia khoi tru.
A. h=4. B.hzg. C. h=8. D.hzg.

@ Cau 37. Mot hinh tru c6 ban kinh day » = 2v/3 cm va thé tich V = 24zem?®. Tinh chiéu cao
cua hinh tru.
A. 2cm. B. 6 cm. C. 2vV3 cm. D. 1cm.

@ Cau 38. Goi /, h va R lan luct 1a d6 dai duong sinh, chiéu cao va ban kinh déy cta hinh
tru. Pang thic luén dung la
A. l=h. B. r=h. C. I2=h%2+R2 D. R2=h%+12.

@ Cau 39. Mot hinh tru c¢6 ban kinh déy béng véi chiéu cao ctia né. Biét thé tich cta khdi tru
do6 bang 87, tinh chiéu cao A caa hinh tru.
A. h=V4. B. h=2. C. h=2v2. D. h=V32.
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@ Cau 40. Tinh dién tich xung quanh S cta hinh tru cé ban kinh day bang 3 va chiéu cao
bang 4.
A. S=24m. B. S=127. C. S=6m. D. S =8x.

@ Cau 41. Tinh dién tich xung quanh ctia khéi tru c6 ban kinh day r = 2 va d6 dai dudng sinh
1=2V5.
A. 8V57. B. 2V57. C. 2n. D. 4V5n.

@ Cau 42. Cho hinh tru c6 ban kinh day bang 3 cm, d6 dai dudng cao bang 4 cm. Tinh dién
tich xung quanh caa hinh tru nay.
A. 247 (cm?). B. 227 (cm?). C. 267 (cm?). D. 207 (cm?).

@ Cau 43. Cho hinh tru (T) dudc sinh ra khi quay hinh chi nhat ABCD quanh canh AB. Biét
AC =2v3a va géc ACB =45°. Tinh dién tich toan phan S;, cia hinh tru (7).
A. S, =12na?. B. S, =8na®. C. S =24ma?. D. S;, = 167ma?.

@ Cau 44. Trong khéng gian, cho hinh chit nhat ABCD c6 AB =1 va AD =2. Goi M,N lan
lugt 12 trung diém ctia AD va BC. Quay hinh chit nhat d6 xung quanh truc MN, ta dudc mot
hinh tru. Tinh dién tich toan phan S;, ctia hinh tru dé.
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4
A. Stp:?n. B. Stp:47l'. C. Stp:67'[- D. Stp:37'[.

@ Cau 45. Cho hinh tru c6 ban kinh day r = v2 cm va khoang cach giita hai day bang 2v3
cm. Dién tich xung quanh cta hinh tru la
A. Sy =2VBrem?.  B. Sy =2v6mem?  C. Syq=4v56mem?.  D. Sy, =4v6m cm?.

@ Cau 46. Mot khéi tru c6 ban kinh déay bang 5 va khoang cach gitta hai day bang 7. Thé tich
khéi tru bang
A. 357. B. 1257. C. 1757. D. 707.

@ Cau 47. Tinh thé tich khéi nén ¢é ban kinh déy 3 cm va d6 dai dudng sinh 5 cm.
A. 127 cm?®. B. 157 cm?. C. 367 cm?. D. 457 cm?.

@ Cau 48. Cho hinh lap phuong c6 canh 1a @ vA mot hinh tru c¢6 hai d4y 14 hai hinh tron noi
tiép hai mat d6i dién cta hinh 1ap phudng. Goi S 14 dién tich 6 mat cta hinh lap phuong, So
« S
la dién tich xung quanh ctia hinh tru. Hay tinh ti so S—2
1
& 1 % T

So
A. =—. B. =—. C. ==
S1 2 S1 2 S1

Sy 7w
. D. ==—.
d S, 6
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Cau 49. Hinh tru tron xoay c6 duong kinh day 14 2a, chiéu cao 1a A = 2a c6 thé tich 1a
A. V =2na3. B. V =7na3. C. V =2na® D. V =2na’h.

@ Cau 50. Céng thic tinh thé tich khéi tru c6 ban kinh d4y R va chiéu cao bang & 1a

1
A. V =7Rh. B. V =nR2h. C. VzgnR2h. D. V = nRA2.

@ Cau 51. Tinh thé tich khdi tru cé ban kinh R = 3, chiéu cao 4 =5.
A. V =457 B. V =45. C. V=15xn. D. V =90x.

@ Cau 52. Mot hinh thang vuéng ABCD cé dudng cao AD =7, ddy nhd AB =, dy 16n CD =
27. Cho hinh thang dé quay quanh CD ta dudc khoi tron xoay c6 thé tich V bang bao nhiéu?

4 4 4
A. V=274 B. V:§7t4. C. V=§7'[3. D. V:§n2.
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@ Cau 53. Cho hinh thang can ABCD c6 day nhé AB =1, day 16n CD = 3, canh bén BC =
DA = /2. Tinh thé tich V ctia vat thé tron xoay tao thanh khi quay hinh thang d6 quay quanh
AB

X 47 57 271 n
AL V=—. B. V=—. C. V=—. D. V=—.
3 3 3 v 3

@ Cau 54. Mit phang di qua truc hinh tru, cat hinh tru theo thiét dién 1a hinh vuéng canh

a. Thé tich ctia khéi tru d6 bang bao nhiéu?
na® a

A. V:7 B. V:? C.V:—. D. V:T[Cl3.

@ Cau 55. Mot khdi tru c6 ban kinh day bang 5 va khoang cach gitta hai day bang 7. Thé tich

khéi tru bang
A. 357. B. 1257. C. 175m. D. 70x.

@ Cau 56. Mit phang di qua truc cia mot hinh tru, cit hinh tru theo thiét dién 1a hinh
vuong canh 4R. Tinh dién tich toan phan S;, caa hinh tru da cho.
A. 207R2. B. 247R?. C. 16nR2. D. 47R2.

@ Cau 57. Cho khéi tru (T) ¢6 O va O’ 1a tam hai duong tron day. Goi ABB’A’ 1a thiét dién
song song véi truc 00’ (A4,B thudc dudng tron tdm O; A’,B’ thudc dudng tron tam O'). Biét
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AB =8, AA' = 6 va thé tich cua khdi tru (T) bang 150x. Tinh khoang céach d tit O dén mit
phang (AA'BB’).
A. d=5. B. d=2. C. d=3. D. d=4.

@ Cau 58. Mot hinh tru c6 ban kinh day bang 2 cm, thiét dién qua truc 13 mét hinh vuéng.
Tinh thé tich V caa khdi tru.
A. V =127cm?3. B. V =16rcm?. C. V=20mcm?. D. V =24ncm?.

@ Cau 59. Mot hinh tru c¢6 ban kinh mé&t ddy bang 5cm. Thiét dién qua truc caa hinh tru cé
dién tich bang 40cm?. Tinh dién tich xung quanh ctia hinh tru.
A. S, =30mcm?. B. S,,=45mcm?. C. Sy, =40mcm?. D. S,, =15mcm?.

@ Cau 60. Mot hinh tru cé thiét dién qua truc 1a hinh vuéng, dién tich xung quanh bang
36a%n. Tinh thé tich V cta lang tru luc gidc déu néi tiép hinh tru.
A. V =2743V3. B. V =81a3V3. C. V=24a3V3. D. V =36a3V3.

@ Cau 61. Mot khoi tru cé hai day 1a hai hinh tron ngoai tiép hai mat ciia mot hinh lap
phuong canh a. Tinh theo a thé tich V ctia khoi tru dé.

3 3 3
A.V:%. B.V:%. C. V = nd3. D.v="%.
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@ CAu 62. Cho ti dién déu ABCD c6 canh bang 6. Tinh dién tich xung quanh Sy, ctia hinh
tru c6 mot dudng tron day 1a dudng tron ngoai tiép tam gidc BCD va chiéu cao bang chiéu cao
cua ti dién ABCD.

A. Syq=12V27. B. Sxq=24V37. C. Sxq=24V27. D. Sxq=12V37.

@ Cau 63. Cho hinh l&ng tru déu ABC.A'B'C’ ¢6 géc gitta hai mét phang (A’BC) va (ABC)
bang 45°, dién tich tam gidac A’BC bang a2v6. Tinh dién tich xung quanh hinh tru ngoai tiép
hinh lang tru ABC.A'B'C’.

4na®V3 8ma’V3

A. . B. 47a2. C. 27na?. D. .
3 3

@ Cau 64. Cho hinh lap phuosng ABCD.A'B'C'D’ ¢6 canh bang 2a. Goi S 1a dién tich xung
quanh cta hinh tru c6 hai dudng tron day ngoai tiép hai hinh vuéng ABCD va A'B'C’'D’. Tinh
dién tich S.

A. S =4na%V2. B. S =na%V2. C. S=7nad?V3. D. S =7na?.

@ Cau 65. Cho hinh tru c6 ban kinh ddy bang a va chiéu cao &. Tinh thé tich V cta khéi lang
tru tam giac déu tam giac déu noi tiep hinh tru da cho.
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2 2
A voY3eh B. v 3V3a’h
4 4
C. V=£(h2 ﬁ) L D, v - 3V3reh
3 3 43 4

@ Cau 66. Mot khdi tru cé hai day 1a hai hinh tron ngoai tiép hai mat cia mot hinh lap

phuong canh av2. Tinh theo a thé tich V cta khéi tru dé.

3 na3 3

—ﬂ = — = 3 = —
A.V—8. B.V IR C. V=na". D.Vv 5

@ Cau 67. Cho ti dién déu ABCD c6 canh bing 9. Tinh dién tich xung quanh Sy, ctia hinh
tru c6 mot dudng tron day 1a dudng tron ngoai tiép tam gidc BCD va chiéu cao bang chiéu cao
cua ti dién ABCD.

A. Syxq=27V3m. B. Syq=54V3m. C. Sxq=54V2n. D. Sxq=27v2m7.

@ Cau 68. Cho hinh lang tru tam gidc déu ABC.A'B'C’ ¢6 d6 dai canh ddy bang a va chiéu
cao bang h. Tinh thé tich V ctia khoi tru ngoai tiép ling tru da cho.
2 2 2
h h h
A.V:”‘; . B.V:’w; . C.V:m; . D. V = 3na2h.
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@ Cau 69. Tinh thé tich V cta khéi tru ngoai tiép lang tru tam gidc déu c¢6 canh day bing a
va chiéu cao bang .
2 2
A v="2" B. v-"0"
9 3

C. V =3na?h. D. V = na2h.
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BAI2.  MAT CAU

@ TOM TAT LY THUYET
€) DINHNGHIA

Pinh nghia 1.
Tap hop cic diém M trong khong gian cach diém O c6 dinh méot
khoang R goi 1a mdt cau tam O, ban kinh R, ki hiéu 1a S(O;R).
Khi d6, S(O;R)={M|OM = R}.
V6i hai diém C, D € S(O;R) thi doan thang CD goi l1a ddy cung cia
mét cau.
Day cung di qua tam goi 1a duong kinh cta mit cau. Khi d6, do dai
duong kinh bang 2R.
Pinh nghia 2. Cho mit cau tAm O ban kinh R va A 13 mét diém bat ki trong khong
gian.

— Néu OA =R thi ta néi diém A ndm trén mat cau S(O;R).

— Néu OA <R thi ta néi diém A ndm trong mit cau S(O;R).

— Néu OA > R thi ta néi diém A ndm ngoai mét cau S(O;R).
Tap hop cac diém thudc mat cau S(O;R) cung véi cac diém nim trong mat cau dé goi la
khéi cau hodc hinh cau tam O ban kinh R.

€  VITRI TUONG DSI GIFA MAT CAU VA MAT PHANG

(S)

R?=r2+d?
Tinh chéit 1. Cho mit cAu S(O;R) va mat phing (P). Goi d 1a khoang céch tit tam O cta
mat cau den mat phang (P). Ta co:
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— Néu d > R thi mat phang (P) khong cit mat cau S(O;R).

— Néu d =R thi méit phang (P) va mat cau S(O;R) ¢6 mot diém chung duy nhat. Khi
d6, ta néi mat phang (P) tiép xiic v6i mat cau S(O;R).
Qiém tiép xuc goi 1a tiép diém, (P) goi 1a mdt phang tiép xiuc hay tiép dién ctia mat

cau.
— Néu d <R thi mit phang (P) cit méit cau S(O;R) theo mét dudng tron ban kinh
R'=VRZ-d2.

Pic biét, khi d =0 thi tAm O thudc mit phang (P), giao tuyén ctia (P) va S(O;R) 1a
duong tron tam O ban kinh R. Puong tron nay goi la duong tron lon.

Piéu kién can va da d€ mit phang (P) tiép xic véi mét cadu S(O;R) 1a (P) vudng géc
véi ban kinh tai tiép diém.

Tinh chat 2. Cho mét cAu S(O;R) va dudng thing A. Goi d 14 khoang cach O dén dudng
thang A. Khi dg,
— d >R & A khong cat mét cau S(O;R).
— d <R < A cat mit cau tai hai diém phan biét.
— d =R < A va mit cau S(O;R) tiép xiic nhau. Do d6, diéu kién can va da dé A tiép
xtic v6i mat cau S(O;R) la d =R.

Pinh li 1. Cho mdt cau S(O;R) va diém A nam ngoai mdit cau. Khi do,
— Qua A c6 vo sb tiép tuyén véi mdt cqu.
— Tép hop cde tiép tuyén nay tao thanh mot mdt nén dinh A.
— D6 dai cde doan thang ndi A véi cdc tiép diém déu bang nhau.

DPinh li 2. Cho mdit cau S(O;R) va diém A nam trén mdt cau. Khi do,
— Qua A c6 vo sb tiép tuyén véi mdt cau.
— Tét cd cdc tiép tuyén nay déu vudng goc vdi ban kinh clia mdt cau tai A va ndm trén
mdt phdng tiép xic véi mdt cdu tai A.

Ngudi ta néi mét cau noi tiép hinh da dién néu mit cau dé tiép xtic véi tat ca cac
mat cta hinh da d1en néi méit cau ngoal tiép hinh da dién néu tat ca cac dinh caa
hinh da dién d6 déu nam trén mat cau.

Tinh chit 3. Cho mit ciu ban kinh R. Khi d6,
— Dién tich mit cau .

. P 4
— Thé tich khéi cau |V = §ER3 I

— Dién tich S cia mat cau ban kinh R bang 4 1an dién tich hinh tron 16n cia mét
cau do.

— Thé tich V ctia khdi cau ban kinh R bang thé tich khéi chép c6 dién tich day
bang dién tich m&t cAu va ¢ chiéu cao bang ban kinh ctia khéi cau dé.

© TRAC NGHIEM

@ Cau 1. Cho khéi cau c¢6 ban kinh r = 2. Thé tich cta khéi cau da cho bang

2
A. 167. B. 3T” C. 32r. D. 8?”.
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@ Cau 2. Thé tich khdi cau ¢6 duong kinh 2a bang

4 3 3
A. n3a . B. 47a3. C. %. D. 27a3.

2

3
A.r:aT\/g. B.r:aT\/g. C.rz#. D.r:%g.

@ Cau 3. Cho mat cau c6 dién tich bang . Tinh ban kinh r ctia mét cau.

@ Cau 4. Cho hinh hop chit nhat c6 ba kich thuéc a, b, c. Ban kinh mét cau ngoai tiép cua
hinh hop chit nhat dé bang

VaZ 21 o2 Va?+ b2+ c2
A. %M. B. 2Va?+b2+c2. C. %. D. Va?+b2%+c2.
@ Cau 5. Mot mat cau c6 dién tich 1a 16x. Tinh ban kinh R cta miét cau.
A. R =2n. B. R=2. C. R=4. D. R =4n.
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@ Cau 6. Cong thiic tinh dién tich mit cau ban kinh R.

47R3 37R?2
A. S= ”3 . B. S =nR2. C. S= ”4 .

D. S =4nR2.

@ Cau 7. Dién tich S cia mit cau ngoai tiép hinh 1ap phuong canh béng 2 1a
A. 127 B. 27V3. C. 87v3. D. 487.

@ Cau 8. Cho khbi cau S c6 thé tich bang 367 (¢cm?). Dién tich mét cau 1 bang bao nhiéu?
A. 367 (cm?). B. 277 (cm?). C. 4. D. 187 (cm?).

@ Cau 9. Cho mat cau (S;) ban kinh R, mat cau (Sy) ban kinh Rs. Biét réng Ry =2R;, tinh
ti s0 dién tich mat cau (S2) va mat cau (S1).

A. 3. B. 2. C. 4. D. %
N . . » A« X , P 327[@3 N
@ Cau 10. Ban kinh R ctia khoi cau c6 thé tich V = la:
A. {7a. B. R =2a. C. R =2V2a. D. Vv2a.
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@ Cau 11. Mot mat ciu c6 ban kinh Rv/3 ¢6 dién tich bang
A. 47R?V3. B. 8nR2. C. 47R% D. 127R2.

[

Cau 12. Khoi cau c6 thé tich 1a 36x. Dién tich cia mat cau la
A. S=09. B. S=18x. C. S =36m. D. S=27n.

@ Cau 13. Dién tich cla mét cau c6 ban kinh r =5q 1a

10072
A. 40742, B. 1007a>. C. 257a2. D, /¢

(4 14. Tinh dién tich S ctia mat cau c6 dudng kinh bing 2a.

Cau
A. S =47na2. B. S =2na2. C. S =7na?. D. S =167a2.
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@ Cau 15. Céng thic tinh dién tich mat cau la
4

A. S =37R2 B. S= gnRS. C. S=nR2 D. S =4nR2.
@ Cau 16. Khdi cau ban kinh R = 6 ¢6 thé tich bing bao nhiéu?

A. 727. B. 487. C. 2887. D. 144n.
@ Cau 17 ’ Thé tich V ctia mot kliéi cau c6 ban kinh R li

A V= gan’a B. V= gnR?’. C. V= 5nRz. D. V =4aR3.

@ Cau 18. Khdi cau (S) c6 ban kinh bang r va thé tich bang V. Ménh dé nao duéi day ding?

4 4 4
A. V==ars. B. V=722 C. V=—n?r,
3 3 3

4
D. V==nuar.
3
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@ Cau 19. Tinh thé tich V cta khéi cau c6 duong kinh bang 3 cm.
9 9
A. V =367 cm?. B. Vzg cm?. C. V:?” cm?®. D. V =97 cm?.

@ Cau 20. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = a,AD = 2a,AA’ = 3a. Tinh ban
kinh R ctia méat cau ngoai tiép ti dién ACB'D’.

14 3 3 6

A.R:a\g—. B.R:%. C.R:%. D.R:%.

@ Cau 21. Cho hinh c?{u dudng kinh 2av/3. Mat phing (P) cit hinh ciu theo thiét dién 1a
hinh tron c6 ban kinh bang av/2. Tinh khoang cach tit tAm hinh cau dén mat phang (P).

A. a. B. «V10. C. D. a\/ﬁ.

a
2° 2

@ Cau 22. Cho mit phang (P) cat mat cau S(I;R) theo giao tuyén 1 dudng tron cé ban kinh
r =3 cm, khoang cach tit I dén mat phang (P) bang 2 cm. Dién tich cia mat cau S(I;R) bang
A. 527 cm?. B. 137 cm?. C. 4V1371 cm?. D. 4571 cm?.

@ Cau 23. Cho mit cau (S) c6 tam I, ban kinh R. Goi H 1a hinh chiéu cta I trén méit phang
(a), IH < R. Goi r la ban kinh dudng tron cat b6i mat phang (a) va (S). Ménh dé nao sau day

Suu tam va bién soan




2. MAT CAU ¥ GV: Doan Thinh

la ménh dung?

A. r=vVR?2+1IH?. B. R=VIH?2-r2 C. R=VIH?+r2 D. IH=VR2+r2.

@ Cau 24. Hinh tru c6 ban kinh day r. Goi O va O’ 14 tam cta hai dudng tron ddy, véi 00’ = 2r.
Mot mat cau (S) tiép xuc véi hai day cta hinh tru tai O va O'. Goi S; va Sy 1an luodt 1a dién
tich mét cau va dién tich toan phan cta hinh tru trén. Khi dé

28, 3S, Sa

A. Slz?. B. SlZSQ. C. SlZT. D. 81:?.

@ Cau 25. Cho hinh tru c6 hai ddy 14 hai dudng tron (O,R) va (O',R), chiéu cao 1a RV3 va
hinh nén c6 dinh 14 O’ va day 1a duong tron (O,R). Tinh ti sb gitta dién tich xung quanh ctaa
hinh tru va dién tich xung quanh cta hinh nén.

A. V2. B. V3. C. 3. D. 2.

@ Cau 26. Goi (S) 1a khéi cau ban kinh R, (N) 1a khéi nén c6 ban kinh day R va chiéu cao A.

A i > > A N N A , M , ° A h
Biéet rang theé tich cta khoi cau (S) va khoi nén (N) bang nhau, tinh ti so 7
4
A, 1. B. § C. 12. D. 4.
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@ Cau 27. Trong mat phang cho géc xOy. Mot mét phing (P) thay d6i va vudng géc véi dudng
phan gidc trong cia géc xOy cat Ox, Oy lan ludt tai A, B. Trong (P) lay diém M sao cho
AMB =90°. Ménh dé nao sau day la ding?

A. M chay trén mét mét cau. B. M chay trén mot mat noén.

C. M chay trén mot mat tru. D. M chay trén mot duong tron.

@ Cau 28. Trong khong gian cho hai diém A, B ¢6 dinh, phan biét va diém M thay d6i sao
cho dién tich tam gidc MAB khong thay ddi. Trong cac ménh dé sau, ménh dé nao ding?

A. Tap hop cac diém M la mot mét phang.  B. Tap hop cac diém M 1a mot mat tru.

C. Tap hop cac diém M 1a mot mat nén. D. Tap hop cac diém M 1a moét mat cau.

@ Cau 29. Mot hinh tru c6 ban kinh day bang r va khoang cach gitta hai day 1a rv/3. Mét
hinh non c¢6 dinh la tam cia mat day nay va day trung véi day kia caa hinh tru. Tinh ti so

dién tich xung quanh caa hinh tru va hinh nén.

A. V3. B. % C. % D. 3.

@ Cau 30. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a. Canh bén SA =av6
va vudng goc véi day (ABCD). Tinh theo a dién tich mét cau ngoai tiép khdi chép S.ABCD.
A. 8ma?. B. o?Vv2. C. 27a2. D. 2a2.
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@ Cau 31. Cho hinh chép S.ABC c6 canh bén SA vuéng géc véi ddy, tam gidc ABC vudng tai
B. Biét SB = v/5a,BC = /3a. Tinh dién tich S ctia mit cau ngoai tiép khéi chép S.ABC.
A. S =4V2nd?. B. S =8na?. C. S =2na2. D. S =4na?.

@ Cau 32. Cho hinh chép S.ABC c6 SA vuéng géc véi mat phang (ABC), tam giac ABC vudng
tai B, SA =2a, AB =a, BC = av/3. Tinh ban kinh R ctia mat cau ngoai tiép hinh chép da cho.
A. R=a. B. R =2a. C. R=aV2. D. R =2aV2.

@ Cau 33. Cho chép S.ABC c6 day ABC la tam giac vudng tai B, SA vudéng géc véi day, cho
SC =2a. Tinh dién tich va thé tich mat cau ngoai tiép hinh chép.
4 8 4 4
A. gﬂ'as. B. gﬂf(lg. C. 571'2(13. D. g\/gﬂfas.

@ Cau 34. Cho chép S.ABCD c6 day ABCD la hinh vudéng, SA vudng géc véi mat day va
SC =2a. Tinh dién tich va thé tich mat cau ngoai tiép hinh chép.
4 8 . 4 4
A. S, =47R%?=4na%vaV = gnRS = gna3. B. S,,. =4nR%=4na®vaV = gnR3 = gﬂa?’.
4 4 4 4
C. S,,. =471R%=3na%2vaVv = gnR?’ = gna3. D. S,,. =4nR%2=4na® va 'V = —7R® = —na2.
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@ Cau 35. Cho chép S.ABCD c6 canh SA vudng géc véi ddy. ABCD 1a hinh chit nhat cé duong
chéo av/5,SA = 2a. Tinh ban kinh mit cau ngoai tiép hinh chép.
A V3a a 3a 5a

5 B'§' C.2. W

@ Cau 36. Cho chép S.ABC c¢6 SA vudng géc véi mat ddy, ABC 1a tam gidc déu canh bang a,
SA = 2a. Tinh ban kinh mat cau ngoai tiép hinh chép.
A. “3ﬁ B. %g C. ¥ D. ?

@ Cau 37. Cho hinh chép S.ABCD, day ABCD 1a hinh chii nhat c6 AB = a, BC = 2a. Mit bén
SAB la tam giac déu va nam trong mat phang vuong géc véi day (ABCD). Dién tich S cia mat
cau ngoai tiep hinh chép S.ABCD la

A 167a? 8ma? 167a? 47a?

. B. . C. . D.
3 3 9 3

@ Cau 38. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chiinhat, AB=a,AD = 2CLT\/E,(SAB) 1

(ABCD) va SA = SB = a. Thé tich khdi cau ngoai tiép hinh chép S.ABCD

4ma® 3
A. 4na® | B. = . c. =&
3 4

D. 37a3 .
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; Cau 39. Cho chop S.ABC c6 SA vuong goc véi day, day ABC la tam giac can tai A va AB =a,
A =120°, SA = 2a. Tinh ban kinh mit cau ngoai tiép hinh chép.
A. R=3aV2. B. R =2aV2. C. R=aV3. D. R=aV2.

@ Cau 40. Cho hinh chép déu S.ABCD c6 tét ca cac canh bang nhau. Khing dinh nao ding?

Tam mat cau ngoai tiép hinh chép la tam ctia mat day ABCD.

Tam miét cau ngoai tiép hinh chép trung diém ctia doan thang nbéi S véi tAm ctia mat
day ABCD.

Tam ctia mat cau ngoai tiép hinh chép 1a trong tam ctia tam gisc SAC.

Ca

A. Tam mat cau ngoai tiép hinh chép trung véi dinh S.
B.

C.

=

@ Cau 41. Cho hinh chép tit gidc déu S.ABCD c6 canh day 1a 2a, canh bén 14 av/6. Tinh thé
tich V ctia khoi cau ngoai tieép hinh chép da cho.
A v B v-2%" c. v=8er 3a’n
2 2 32 2

@ Cau 42. Cho ti dién déu ABCD canh a. Tinh a biét mat cau ngoai tiép ti dién c6 ban kinh
2v3 _2v56

bang 1.
2T 26
A. a=2Y2 B. LYl D. o=2¥2,
4= 4=73 C. =3 4=73
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@ Cau 43.
Cho hinh chép tam gidc déu c6 canh day bang 1 va chiéu cao & = V3
(hinh v€). Dién tich mat cau ngoai tiep hinh choép la

1007 257 1007

A, ——. B. C. —. D. 100x.
3 3 27

@ Cau 44. Cho chép tam giac déu S.ABC, ¢6 AB =qa va canh SA = 2a. Xac dinh ban kinh mét
cau ngoai tiep hinh chop.

A. 3\/ﬁa. B. @a. C. zma. D. %a.
11 11 11 11

@ Cau 45. Cho chép ti giac déu S.ABCD, c6 AB =a canh SA = 2a. Xac dinh ban kinh mét
cau ngoai tiép hinh chép.

@ Cau 46. Hinh chép S.ABC c6 day ABC la tam giic déu canh bang 1, méit bén SAB 1a tam
gidc déu va nam trong mat phang vuéng géc véi mit phang day. Tinh thé tich ctia khéi cau
ngoai tiep hinh chép S.ABC.

5v157 5v1571 4371 57
A. V= ) B. V= ) . V= ) D. v=—".
v 18 v 54 C.v 27 v 3
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@ Cau 47. Cho hinh chép S.ABC ¢6 SA =a,SB = b,SC = ¢ va d6i mét vuong géc. Dién tich
mat cau ngoai tiép hinh chép S.ABC la

2 2 2 2 2 2 2412402
A YRS g oa@epe, o DERE g rleibrc)

@ Cau 48. Cho chép S.ABCD c6 day ABCD 1a hinh vudng canh a, tam gidec SAB déu va ndm
trong mat phang vuong goc véi day. Tinh ban kinh mat cau ngoai tiép khoi chép.

@ Cau 49. Cho hinh hop chit nhat c6 ba kich thuéc a, b, c. Ban kinh mé#t cau ngoai tiép caa
hinh hop chit nhat dé bang

N ) A2 LR 2
A. %M. B. 2Va?+ b2+ 2. C. %b“. D. vVa?+ b2+ 2.

@ Cau 50. Tinh ban kinh mét cau ngoai tiép hinh hép chit nhat ABCD.A'B'C'D’ biét AB = 3,
BB’ =4,B'C'=12.
13 19

A. 19. B. —. C.

. D. 13.
2 2
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@ Cau 51. Mot hinh hop chit nhat c6 ba kich thuéc 14 2,3,4 néi tiép trong mot mét cau. Tinh
dién tich ctia mét cau doé.

A. V29. B. 29v297. C. 22—9n. D. 29x.

@ Cau 52. Mot mét cau ngoai tiép hinh hép chit nhat ABCD.A'B'C'D’ ¢6 kich thuéc AB = 4a,
AD =5a, AA’ = 3a. Mat cau trén ¢6 ban kinh bang bao nhiéu?
5v2a 3v2a

A. 2V3a. B. 6a. C. g D. 5

@ Cau 53. Cho hinh lang tru tam gidc déu c6 chin canh déu bang a. Thé tich khéi cau ngoai
tiep hinh lang tru dé la
A Tna3v21 Tna3v21 Tna3v3 Tna3V7

B. ———. C. . D. .
54 18 54 54

@ Cau 54. Cho khdi ling tru ding tam gidc ABC.A'B'C’ ¢6 day ABC la tam giac vudng tai A
viAB=a, AC =aV3, AA' =2a. Tinh ban kinh R ctia méit cau ngoai tiép khoi lang tru dé.
av2

A. R =2aV2. B. R=a. C. R=aV2. D.R:T.
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@ Cau 55. Tinh duong kinh mat cau ngoai tiép hinh lap phuong c¢6 canh bang av/3.

A. 6a. B. 3?(1. C. aV3. D. 3a.

@ Cau 56. Tinh ban kinh R mat cau ngoai tiép hinh 1ap phuong c6 canh bang 2a.

A. R=a. B. R =24\/3. C.R:aT\/g. D. R =aV3.

@ Cau 57. Trong khéng gian miét cau (S) tiép xtc véi sdu mat cia mot hinh lap phuong canh

a. Tinh thé tich V ctia khéi cau tuong tng.

na’ na’ na’ 4ma®

AL V=—o-. B. V=—r. C.V=—rs. D. V=
24 3 6 3

@ Cau 58. Cho hinh léng tru tam gidc déu c¢é canh a canh bén bang b. Tinh thé tich ctia khéi
cau qua cac dinh cta lang tru.

1 3 VA 3

A. ——\/(4a? +3b2)". B. ——\/(4a2 + 3b2)°.
18v3 ( ) 181\/§ ( )

T 3 3

C. \/ (4a? + b2)°. D. ——/(4a2 + 3b2)°.
18v3 ( ) 18v2 ( )
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CHUONG 3/ PHUONG PHAP TOA DO TRONG KHON
GIAN

BAI1. HE TOA PO TRONG KHONG GIAN

@ TOM TAT LY THUYET
€) 10A DS CUA DIEM VA VEC-TO
Hé truc toa do

— Piém O goi 1a gbc toa db. y
— Truc Ox goi la truc hoanh; Truc Oy goi la truc

tung; Truc Oz goi la truc cao.
— Cac mit phang chita hai truc toa d6 goi la cac

mit phang toa d6. Ta ki hiéu ching lan ludt 1a

(Oxy), (Oy2), (Ozx). ) N ol 7
— véc-to don vi cua truc Ox, Oy, Oz lan ludt la: i, Z = %
Ji k. k|t

— Cac véc to don vi doi mot vuong goc v6i nhau va 2
c6 do dai bang 1:

'J:J'k:l'

S

va =0.
Toa d6 ctua diém
(D Pinh nghia
Trong khéng gian Oxyz cho diém M tuy y. Vi ba véc-té i, j, & khong dong phang
nén c6 mot bo so duy nhat (x;y;z) sao cho:

O—M):x-?+y-7+z-z

Ta goi bo ba sb (x;y;2) 1a toa d6 ctia diém M. Ky hiéu:

M (x;y;2) hoac M = (x;y;2)

Dic biét: Y
— Gbc 0(0;0;0).
— M thudc Ox < M (x3;0;0). o
— M thudc Oy & M (0;y31;0). p
— M thudc Oz © M (0;0;zy).
— M thudc (Oxy) © M (xpr;ym;0).
— M thudc (Oyz) & M (0;yup;2m)-
— M thudc (Oxz) © M (x31;0;21). 0]
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@ Tinh chat: Cho A (xa;y4;24),B (x5;y8;28).
— AB=(xB—XA;YB —YA;ZB — 2A).
— AB =g -xa + (5 - yaP + (25 —24)%, X .
.0 ” N X X z
— Toa d6 trung diém M cta AB la M( A2 B;yAzyB; A2ZB).
— Toa do trong tam G cua tam giac ABC la
G(xA +Xp+Xc YA+YB+Yc ZA+zZB +zc)
3. .3 3 . . . X
— Toa do trong tam G cua ta dién ABCD la
G(xA +Xp+Xc+Xp YA+YB+Yc+YD ZA +zB+zC+zC)
4 ’ 4 ’ 4 '

Toa d6 cua véc-to
Trong khong gian Oxyz cho diém véc-to @. Khi d6 ludn ton tai duy nhat bo ba s6 (a1;a2;a3)
sao cho: R R R
E’:al- I +ag- J +a3'k
Ta goi bd ba sb (a1;a9;as3) 1a toa dd cta véc-to @ Ky hiéu: @ = (a1;a2;a3).
— Trong hé toa do Oxyz, toa do ctia diém M ciing chinh 13 toa d6 ctia véc-to OM.
— l—(lOO) J—(OlO) k (0;0;1).

€> BIEU THIC TOA DO CUA CAC PHEP TOAN VEC-TO

Trong khong gian Oxyz, cho hai véc-t6 @ = (a1;az2;a3) va b = (b1:bg:b3). Khi d6
Pinh li 1

— a + b —(a1+b1,a2+b2,a3+bg)

— @-b=(a1-by;as- ba;az—b3).

— k-d=(k-a;k-ag;k-a3) (k la so thuc).

Heé qua 1. Trong khéng gian Oxyz, cho hai véc-to @ = (a1;as;as3) va b= (b1;b9;b3) khi do

a1:b1
>
&’:bo a2=bg

a3:b3

— Véi hai diém A (xa;ya;24), B(xg;yp;2zp) thi toa d6 ctia véc-to AB la:

AB =(xB—XA;YB—YA;2B—2A)

— vée-to 0 =(0;0;0).
— véc-to ¥ dudc g01 1a biéu d1en (hoac phan tich) theo ba véc-to o, b , ¢ néu c6 hai s6
x,y,zsaocho ¥ =x- a+y b+z <.

b#0 a1 as as
— & cung phuong b < _ ha —————(dlb;éO)
&P . {Elk;éo T=k-B Vb by by

— A, B, C thing hang & AB cing phuong véi AC.
— Toa d6 trung diém M cta doan thing AB la:
M(xA +XB YA+ YB ZA +ZB)‘
2 > 2 7 2
— Toa do trong tdm G ctia tam giac ABC la:
XA+tXBp+Xc YA+YB+YCc zZA+2Zpt2zc
G ( 3 ’ 3 ’ 3 )
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€) TicH VO HUONG

Biéu thic toa d6 tich vo huéng
Dinh li 2. Cho hai véc-to @ = (ay,as,a3) va b = (b1,b2,b3). Khi dé tich vo hudng ctia hai
vée-to @, b la :

@ b= |E’|-‘b"cos(6’,3)

hay

— -
a-b :a1~b1+a2-b2+a3-b3

Ij’ng dung
(1) Do dai cha véc-to @ la:

|&|=+/a% +a3 +a?

(2) Khoang cach gitta hai diém A va B:

AB= ‘zﬁ‘ = \/(xB ~x4)*+(y8—y4)* + (2B —24)°

3) Géc gitta hai véc-to @, b théa man

>

cos(&’j;) =

Sl|a

i’

@ E’J_3@&’-7;:0©a1-b1+a2-b2+a3-b3:O.

€Y TicH CO HUONG VA NG DUNG
Dinh nghia Trong khong gian Oxyz cho ha1 vecto @ =(a1;a9;a3), b= (b1;b2;b3). Tich

¢6 hudng ctia hai vecto @ va b. Ki hiéu la [a, b] dudc xac dinh béi

ag as

by b3

as ai

bs b1

ay a2

[3,3]= =(agbs —asbg;azb1—aibs;a1bg —agbq).
b1 by

E Tich c6 huéng ctia hai vecto 14 mot vecto, tich vé hudng cta hai vecto 1a mot s6. %

Ung dung cua tich ¢c6 huéng R

— Piéu kién déng phang cta ba vects @, bvagc d% phéng < [a@,b]- ¢ =0.
— Dién tich hinh binh hanh ABCD: Ssgcp = |[AB,AD]|.

1
— Dién tich tam giac ABC: Saagc = EI[AB,AC]I.
—_— Thé tich khél h@p ABC.A'B'C’: VABCD-ABC’D = |[z4—B),z4_D)] 'AA,|.
o R 1] —» —» —
— The tich ti& dién ABCD: Vapcp = gl[AB,AC] -AD|.
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— Tich v6 hudéng ctia hai vecto thuong s dung dé ching minh hai duong thang
vudng géc, tinh géc gitia hai duong thing.

— Tich c6 huéng cta hai vects thuong st dung dé tinh dién tich tam giac; tinh
thé tich khoi t& dién, thé tich hinh hép; chiing minh cic vects dong phang —
khong dong pharig ching minh cac vecto cung phuong.

cung phu0ng old Z]
bl

6
dong phang < [a, =0

—
c

€©) PHUONG TRINH MAT CAU

Trong khong gian Oxyz, phuong trinh mét cau (S) ¢6 tam I (a;b;c) ban kinh R 1a:

(x—a)+(y—b2+(z—c)?=R?

Phuong trinh: | x2 + y? + 22 — 2ax — 2by — 2cz + d = 0| véi diéu kién a®+b2+¢%—d > 0 1a phuong
trinh mat cau tam I (a;b;c), c6 ban kinh 1a R = Va2 + b2+ c2—d.

€@ WMot 6 vEU 16 TRONG TAM GIAC
Xét tam giac ABC, ta co:
AH 1 BC

(1 H 1a chan dudng cao ha tit A cia AABC &
BH =% -BC

AB
2 AD la dudng phan gidc trong ctia AABC < DB = TG .DC

(3) AE la dudng phan giac ngoai cia AABC < EB = Yl ‘EC

AH 1BC
(@) H la truc tam cia AABC & BH LAC
[Zﬁjﬁyﬁﬁzo
74| = 72|
(®) I1atam dudng tron ngoai tiép AABC o |IT§ | = ‘I_C’) ‘
|AB.AC|-Al=0

() TRAC NGHIEM

@ Cau 1. Trong khéng gian véi hé toa do Oxyz, cho ba véc-to @ = (2:-5:3),b = (0:2:-1),C =
&> 1 =13

(1;7;2). Toa d6 cha véc-to @ =4d — 3 b+37 la

5 53 s 121 17 s 1 55 5 (11
A U= (11 ) B. v = (5;——;—). C. u= (11 — —) D. u = (—;—;18).
3’3 3 3 3’3 3°3
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@ Cau 2. Trong khong gian vé6i hé toa do Oxyz, cho bén diém A(1;-2;0), B(1;0;-1), C(0;—-1;2),
D(0;m;k). Tim hé thic gitta m va k& dé bon diém A,B,C,D dong phang.
A. m+Ek=1. B. m+2k=3. C. 2m -3k =0. D. 2m+k=0.

@ Cau 3. Choba diém A(2;-1;5),B(5;-5;7) va diém M(x;y;1). Véi gia tri nado ctia x,y thi A,B,M
thang hang?
A. x=4y=-T. B. x=4,y="1. C. x=—4,y=-1. D. x=-4,y="1.

@ Cau 4. Trong khéng gian Oxyz, cho diém M(2;-1;-2) va N(~1;-2;3). Toa d6 @ =ON —-OM

e
m/

A. ¥=(-1,3;-1). B. ¥ =(1;-3;1). C. ¥ =(3;1;-5). D. ¥ =(-3;-1;5).

@ Cau 5. Trong khéng gian véi hé truc Oxyz, cho tam gidc ABC c6 A(3;3;2), B(—1;2;0), C(1;1;-2).
Goi G(x0;y0;20) 12 trong tAm ctia tam giac d6. Tong xo + yo + 2o bang

A. 9. B. —g. C. - D. 3.
3 3
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@ Cau 6. Trong khong gian véi hé toa d6 Oxyz, tim toa d6 diém dbi xing véi diém A(4;1;-2)

qua mét phang (Ozx).
A. 4;-1;-2). B. (4;-1;2). C. (-4;-1;2). D. (4;1;2).
a

@ Cau 7. Trong khong gian véi hé toa do Oxyz, tim toa d6 hinh chiéu vuéng géc cia diém
M(1;2;3) trén truc Ox.
A. (0;0;3). B. (0;0;0). C. (0;2;0). D. (1;0;0).

@ Cau 8. Trong khong gian Oxyz, cho diém A(3;—1;1). Hinh chiéu vudng géc cia A trén mit
phang (Oyz) 1a diém
A. M(0;-1;0). B. Q(0;0;1). C. N(3;0;0). D. P(0;-1;1).

@ Cau 9. Trong khéng gian Oxyz, cho diém A(1;-2;4). Hinh chiéu vudng géc ctia A trén truc
Oy la diém nao duéi day?
A. N(0;-2;0). B. M(0;-2;4). C. Q(1;0;0). D. P(0;0;4).

@ Cau 10. Goi ¢ 12 géc giita hai vectd @ va b, v6i @ va b khac 0, khi d6 cos¢ bing
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A TB 5 |@.5] o ~T8 o @8
el 2] el 2] |al{] [@}[7]

@ Cau 11. Goi ¢ 14 géc gitia hai vecto @ =(1;2;0) va b= (2;0;—1), khi d6 cos¢ bé”lng
2

2 2
A. 0. B. -. C. —. D. —-.
5 NV 5
(4 Cau 12. Cho vecto a= (1;3;4), tim vecto b cing phudng véi vectd a .
A. b =(-2;-6;-8). B. b =(-2;-6;8). C. b =(-2;6;8). D. b =(2;-6;-8).

@ Cau 13. Tich v6 huéng cta hai vecto @ =(-2;2;5), b= (0;1;2) trong khong gian bang
A. 10. B. 13. C. 12. D. 14.

@ Cau 14. Trong khéng gian Oxyz, cho hai diém A (1;1;-2) va B(2;2;1). Vecto AB ¢6 toa do
la
A. (-1;-1;-3). B. (3;1;1). C. (1;1;3). D. (3;3;-1).
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@ Cau 15. Trong khong gian Oxyz, cho hai diém A(1;1;-1) va B(2;3;2). Vecto AB ¢6 toa do
la

A. (1;2;3). B. (-1;-2;3). C. (3;5;1). D. (3;4;1).
@ Cau 16. Cho vecto @ =(1;-1;2), do dai vecto @ 1a
\F B. 2. C. V6. D. 4.

@ Cau 17. Trong khong gian cho hai diém A (-1;2;3),B(0;1;1), d0 dai doan AB bang

A. V6. B. V8. C. V10. D. V12.
i\ Cau 18. Trong khong gian Oxyz, goi 7, —),_k)l a cac vecto don vi, khi d6 v6i M (x;y;z) thi oM
béng — — — — — — — — —

A. —xi-yj-ZFk. B. xi —-yj-Zk. C. xj+yi+7ZFk. D. xi +yj +zk.
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@ Cau 19. Tich c¢6 huéng cta hai vecto @ = (al;ag;ag),z) = (b1; bs; b3) 1a mot vecto, ki hiéu
[E’, b ], dudc xac dinh bang toa d6

A. (a2b3 —a3b2;a3b1 —a1b3;a1b2 —a2b1). B. (azbg +a3b2;a3b1 +a1b3;a1b2 +a2b1).

C. (agb3z—asby;azbi+a1bs;aibs —azby). D. (a2b2—asbs;azbz—aibi;a1bi —asbs).
@ Cau 20. Cho cac vectd w =(u1;us;usz) va v = (vi;vs;vs), ©.v =0 khi va chi khi

A. u1v1 +ugug +ugvg = 1. B. ui+vi+ug+uve+ug+vg=0.

C. u1v1+ugvg +ugvg =0. D. u1vg +ugvg +ugvy = —1.

@ Cau 21. Trong khéng gian Oxyz, cho diém M nam trén truc Ox sao cho M khéng trung véi
goc toa do, khi d6 toa do diém M c6 dang
A. M(a;0;0),a #0. B. M(0;5;0),b #0. C. M(0;0;¢),c #0. D. M(a;1;1),a #0 .

@ Cau 22. Trong khéng gian Oxyz, cho diém M nam trén mat phang (Oxy) sao cho M khong
trung véi goc toa do va khong nam trén hai truc Ox,Oy, khi d6 toa d6 diém M 14 (a,b,c #0)
A. (0;b;a) . B. (a;5;0). C. (0;0;0) . D. (a;1;1).

Cau 23. Trong khong gian Oxyz, cho @ =(0;3;4) va ‘3‘ = 2‘?1’ , khi d6 toa do vects b c6 thé

& e
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A. (0;3;4). B. (4;0;3). C. (2;0;1). D. (-8;0;-6).

au 25. Trong khong gian Oxyz, cho ba vecto @ =(1;-1:2),b =(3;0:-1), @ = (=2:5:1), vecto
a+b—-7¢ cotoadola

A. (6;0;-6). B. (-6;6;0). C. (6;-6;0). D. (0;6;-6).

@ Cau 26. Trong khong gian Oxyz, cho ba diém A (1;0;-3),B(2;4;-1),C(2;-2;0). D6 dai cac

canh AB,AC,BC cta tam giac ABC lan lugt 1a
A. Vv21,V13,V37. B. v11,v14,V37. C. v21,V14,V37. D. v21,v13,V35.

@ Cau 27. Trong khéng gian Oxyz, cho ba diém A (1;0;-3),B(2;4;-1),C(2;-2;0). Toa d6 trong

tam G cta tam giac ABC la
52 4 52 4 5
(—;—;——). B. (—;—;—). C. (5;2;4). D. (—;1;—2).
3’3 3 333 2
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@ Cau 28. Trong khéong gian Oxyz, cho ba diém A (1;2;0),B(-1;1;3),C(0;-2;5). Dé 4 diém
A,B,C,D dong phang thi toa do diém D 1a
A. D(-2;5;0). B. D(1;2;3). C. D(1;-1;6). D. D(0;0;2).

@ Cau 29. Trong khgng gian Oxyz, cho ba vecto @ = (1;2;3),3 =(-2;0;1),¢ =(~1;0;1). Tim toa
dochavecto w=ad+b +2¢ -31i
A. 7 =(6;2;6). B. 7 =(6;2;-6). C. 7 =(0;2;6). D. 7 =(-6;2;6).

@ Cau 30. Trong khong gian Oxyz, cho tam giac ABC ¢6 A(1;0;2),B(-2;1;3),C (3;2;4). Tim toa
do trong tam G cua tam giac ABC

A. G(§;1;3). B. G(2;3;9). C. G(-6;0;24). D. G(2;%;3).

@ Cau 31. Cho 3 diém M (2;0;0), N(0;-3;0), P(0;0;4). Néu MNPQ la hinh binh hanh thi toa
do ctia diém Q 1a
A. Q(-2;-3;4). B. Q(2;3;4). C. Q(3;4;2). D. @ (-2;-3;-4).
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@ Cau 32. Trong khong gian toa do Oxyz, cho ba diém M (1;1;1),N (2;3;4),P (7;7;5). Dé ti giac
MNPQ 13 hinh binh hanh thi toa d6 diém @ la
A. Q(-6;5;2). B. Q(6;5;2). C. Q(6;-5;2). D. Q(-6;-5;-2).

@ Cau 33. Cho 3 diém A (1;2;0),B(1;0;-1),C(0;—-1;2). Tam gidc ABC la
A. tam giac c6 ba goc nhon. B. tam giac can dinh A.
C. tam giac vuong dinh A. D. tam giac déu.

@ Cau 34. Trong khéng gian toa d0 Oxyzcho ba diém A (-1;2;2),B(0;1;3),C(-3;4;0). Dé tu
giac ABCD la hinh binh hanh thi toa d6 diém D la
A. D(—4;5;-1). B. D4;5;-1). C. D(-4;-5;-1). D. D 4;-5;1).

@ Cau 35. Cho hai vectd @ va b tao véi nhau géc 60° va ‘5" =2; Z)‘ =4. Khi d6 ‘6’+ 3‘ bang

A. V/8V3+20. B. 2V7. C. 2v5. D. 2.
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@ Cau 36. Cho diém M (1;2;-3), khoang cach tit diém M dén mat phing (Oxy) béng

A. 2. B. -3. C. 1. D. 3.

@ Cau 37. Cho diém M (-2;5;0), hinh chiéu vuéng géc ctia diém M trén truc Oy la diém
M'(2;5;0). B. M'(0;-5;0). C. M'(0;5;0). D. M'(-2;0;0).

@ Cau 38. Cho diém M (1;2;-3), hinh chiéu vuéng géc cia diém M trén mat phang (Oxy)la
diém
A. M'(1;2;0). B. M'(1;0;-3). C. M'(0;2;-3). D. M'(1;2;3).

@ Cau 39. Cho diém M (-2;5;1), khoang cach tu diém M dén truc Ox bang
A. V29. B. \/_. C. 2. D. v26.

@ Cau 40. Cho hinh chép tam gidc S.ABC véi I 1a trong tam ctia day ABC. Pang thiic nao
sau day la dang thuc dung N N
A. TA=IB+IC. B. [A+IB+CI=0. C.IA+BI+IC=0. D.IA+IB+IC=0.
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@ Cau 41. Trong khéng gian Oxyz, cho 3 vectd a =(-1;1;0); E =(1;1;0); ¢ =(1;1;1). Trong cac
ménh dé sau, ménh dé nao sai:

—> —>

A. 5172 B. ‘a) =V2. C. ‘c‘ = V3. D. TLlb.

@ Cau 42. Cho diém M (3;2;-1), diém ddi xing ctia M qua mat phing (Oxy) 1a diém
A. M'(3;-2;1). B. M'(3;-2;-1). C. M'(3;2;1). D. M'(3;2;0).

i\ Cau 43. Cho diém M (3;2;-1), diém M’ (a;b;c) d6i xting cia M qua truc Oy, khi dé a+b+¢
bang
A. 6. B. 4. C. 0. D. 2.

@ Cau 44. Trong khéong gian Oxyz cho 2 véc t6 @ = (2;1;-1); b = (1;3;m). Tim m dé (E’; 7;) =
90°.
A. m=-5. B. m=5. C. m=1. D. m=-2.
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@ Cau 45. Trong khong gian véi hé truc toa d6 Oxyz, cho ¥ =(2;-1;1) v v =(0;-3;-m). Tim
s0 thuc m sao cho tich v6 huéng .7 =1.
A. m=4. B. m=2. C. m=3. D. m=-2.

@ Cau 46. Cho @ =(1;1;1) va ¥ = (0;1;m). P& géc gitta hai vects @, 7 ¢6 sb do bang 45° thi m

bang
A. +V3. B. 2+ /3. C. 1+3. D. V3.

@ Cau 47. Cho A(1;-2;0),B(3;3;2),C(~1;2;2),D(3;3;1). Thé tich cua ti dién ABCD bang
A. 5. B. 4. C. 3. D. 6.

@ Cau 48. Trong khong gian Oxyz cho tit dién ABCD. D6 dai dudng cao vé ti D cta ti dién
ABCD cho béi cong thic nao sau day:

, [fAB.ac1.4D| , [AB.ac1.4D|

A h== . B. h= .
3 ([E.E]] 3 ]E’.A_c’\
[AB,AC1.AD [AB,AC1.AD

C. h= D. h=

aBac| ABACI|

451 Suu tam va bién soan



1. HE TOA PO TRONG KHONG GIAN W GV: Doan Thinh

@ Cau 49. Trong khéng gian toa d6 Oxyz, cho bén diém A (1;-2;0),B(3;3;2),C(-1;2;2),D (3;3;1).
D6 dai duong cao cua ti dién ABCD ha tu dinh D xuong mat phang (ABC) la

9 9 9 9

A, —. B. -. C. —. D. —.

V2 7 V2 14

@ Cau 50. Trong khong gian Oxyz, cho tit dién ABCD c6 A (1;0;2), B(-2;1;3), C(3;2;4), D (6;9;-5).
Tim toa do trong tam G cta ti dién ABCD
14

A. G(—Q;%;—SO). B. G(8;12;4). C. G(3;3;Z). D. G(2;3;1).

@ Cau 51. Trong khéng gian Oxyz, cho hai diém A (1;2;1),B(2;-1;2). Diém M trén truc Ox va
cach déu hai diém A,B c6 toa do l1a

11 1 1
A. M(—;—;§). B. M(—;O;O). C. M(§;0;O). D. M(O;—;§).
2°2°2 2 2 2°2

@ Cau 52. Trong khong gian Oxyz, cho hai diém A (1;2;1),B(3;-1;2). Piém M trén truc Oz va
cach déu hai diém A,B c6 toa do 1a

A. M(0;0;4). B. M (0;0;-4). C. M(O;0;§). D. M(§,l,§)
2 2°2°2
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@ Cau 53. Trong khong gian Oxyz cho ba diém A(-1;-2;3),B(0;3;1),C (4;2;2). Cosin ctia géc
BAC la o 9 9

9
A, ——. B. —. C. ———. D. -——.
2v35 V35 2v35 V35

T =(2:-1:2),b =(3;-2:1) 1a

@ Cau 54. Toa d6 ctia vecto 7 vudng géc véi hai vect (2;
(-3;4;-1). D. 7 =(3;—4;-1).

(0]
A. 7w =(3;4;1). B. 7w =(3;4;-1). C. n

— - . o~ . —> LY 2 — — - — TR
@ Cau 55. Cho‘a‘:2;)b‘:5,gocg1uaha1vect0 avab bang?n, u=ka-b;v=a+2b Dé

¥ vudng géc véi U thi k£ bang
4 4
A -2 B. 2. c. &, p. -2
45 6 45 6

@ Cau 56. Cho ©w =(2;-1;1),v =(m;3;-1),w = (1;2;1). V6i gia tri ndo cia m thi ba vecto trén
dong phang

A S B. -, c 8. D. 5.
8 8 3

@ Cau 57. Cho hai vects @ = (1;logz5;m), b = (3;logs3;4). Véi gia tri ndo ciia m thi @ L b
A. m=1m=-1. B. =1. C. m=-1. D. m=2;m=-2.
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@ Cau 58. Trong khong gian Oxyz, cho ti dién ABCD c¢6 A(1;0;0),B(0;1;0),C(0;0;1),D(-2;1;-1).
Thé tich cta ti dién ABCD bang
A 2. B. 3. C. 1. p. L.
2 2

@ Cau 59. Trong khong gian Oxyz cho ba diém A (2;5;3),B(3;7;4),C (x;y;6). Gia tri cha x,y dé
ba diém A,B,C thing hang la
A. x=5;y=11. B. x=-5;y=11. C. x=-11;y=-5. D. x=11;y=5.

Cau 60. Trong khong gian Oxyz cho ba diém A(1;0;0),B(0;0;1),C(2;1;1). Tam gidc ABC

& e

A. tam giac vuong tai A . B. tam giac can tai A.
C. tam giac vuong can tai A. D. Tam giac déu.

@ Cau 61. Trong l\{hﬁng gian Oxyzcho tam giac ABCcé A(1;0;0),B(0;0;1),C(2;1;1). Tam giac
ABC c6 dién tich bang
V6 V6 1

A. V6. B. 3 C. DR D. 5
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@ Cau 62. Ba dinh ctia mot hinh binh hanh c6 toa d6 1a (1;1;1), (2;3;4), (7;7;5). Dién tich cta
hinh binh hanh d6 béng
V83

A. 21/83. B. v/83. C. 83. D. -

@ Cau 63. Cho 3 vecto @ = (1:2:1):5 = (-1:1:2) va € = (x;3x:x+2). Tim x dé 3 vecto @,b,¢
dong phang
A. 2. B. -1. C. -2. D. 1.

@ Cau 64. Trong khong gian Oxyz cho ba vecto z: (3;—2;4),8 = (5;1;6), ¢ = (-3;0;2). Tim
vectd ¥ sao cho vectd ¥ dong thoi vudng géc véi @,b,¢
A. (1;0;0). B. (0;0;1). C. (0;1;0). D. (0;0;0) .

@ Cau 65. Phuong trinh nao sau day 1a phuong trinh mét cau?
A, x?+y%+22-2x=0. B. x2+y?>-22+2x—y+1=0.
C. 2x2+2y2 =(x+y)2—22+2x 1. D. (x+y)?=2xy-22-1.
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@ Cau 66. Phuong trinh nao sau day khong phai 1a phuong trinh mat cau?
A, x?+y2+22-2x=0. B. 202 +2y?=(x+y)?—22+2x-1.
C. > +y2+22+2x-2y+1=0. D. (x+y)*=2xy—2z*+1-4x.

@ Cau 67. Phuong trinh nao sau day khong phai 1a phuong trinh mat cau?
A, x-12+@Qy-12%+(z-12=6. B. (x-1)?+(y-12+(z—-1)*=6.
C. 2x-12+2y-12+(2z+1)2=6. D. (x+y)? =2xy—22+3 - 6x.

@ Cau 68. Cho cac phuong trinh sau:
(C):(x-12+y2+22=1;
(Co):x2+(Q2y—-1)2+22=4;
(C3):x?+y?+22+1=0;
(Cy):(2x+1)2+(2y—1)?+422 =16.
S6 phuong trinh 1a phuong trinh mat cau la:
A. 4. B. 3. C. 2. D. 1.

@ Cau 69. Mit cau (S): (x— 12 +(y+2)2+22 =9 c6 tam la:
A. 1(1;-2;0). B. 1(-1;2;0). C. 1(1;2;0). D. 1(-1;-2;0).
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@ Cau 70. Mit cau (S):x2+y2+22-8x+2y+1=0 c6 tam la:
A. 1(8;-2;0). B. 1(-4;1;0). C. 1(-8;2;0). D. 1(4;-1;0).

@ Cau 71. Mit cau (S):x2+y?+22 —4x+1=0 c6 toa do tAm va ban kinh R la:
A. 1(2;0;0),R=v3. B. I(2;0;0),R =3. C. 1(0;2;0),R=v3. D. I(-2;0;0),R=+3.

@ Cau 72. Phuong trinh mit cau c6 tam I(-1;2;-3), ban kinh R = 3 1a:
A, x-12+(y+22%+(z-3)2%=9. B. x+1)2+(y-2%+(z+3)?=3.
C. x+1)2+(y-2%+(z+3)2=09. D. (x+1)2+(y-2%?+(z+3)2=09.

@ Cau 73. Mit cau (S): (x+y)2 =2xy—22+1—4x c¢6 tam la:
A. 1(-2;0;0). B. 1(4;0;0). C. 1(-4;0;0) . D. 1(2;0;0).

@ Cau 74. Duong kinh ctia mat cau (S): x% + y% + (z — 1)2 =4 bang:
A. 4. B. 2. C. 8. D. 16.
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@ Cau 75. Mit cau c6 phudng trinh nao sau day c¢6 tam 1a 1(~1;1;0)?

A, x?+y2+22-2x+2y=0. B. 2 +y2+2242x-2y+1=0.
C. 2x2+2y2 =(x+y)®—22+2x—1—2xy. D. (x+y)?=2xy—2z2+1—4x.
@ Cau 76. Mit cau (S): 3x2 +3y% + 322 — 6x + 12y + 2 =0 ¢6 ban kinh bang:
7 27 V21 13
AT B. 27 c. Y21 D. /2.
3 3 3 3

@ Cau 77. GoiIla tAm mit ciu (S): 22+ y2+(z—2)? = 4. D6 dai ](71’\ (0 1a gbc toa o) bing:

A. 2. B. 4. C. L D. V2.
@ Cau 78. Phuong trinh mat ciu c6 ban kinh bang 3 va tam la giao diém cta ba truc toa
do?

A. x*+y%+22-62=0. B. x2+y2+22-6y=0.

C. 22+y%+22=09. D. x2+y2+22-6x=0.
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@ Cau 79. Mit cau (S):x2+y2+22-2x+10y+3z+1=0 di qua diém c6 toa d6 nao sau day?
A. (2;1,9). B. (3;-2;-4). C. (4;-1;0). D. (-1;3;-1).

@ Cau 80. Mit cau tam I(-1;2;-3) va di qua diém A (2;0;0) c6 phuong trinh:
A x+12+(y =27 +(2+3)*=22. B. (x+1D?+(y-27+(z+3)? =11,
C. @-1D*+(y+2°+(-3)"=22. D. (x—D?+(y-2)?+(z -3 =22,

@ Cau 81. Cho hai diém A (1;0;-3) va B(3;2;1). Phuong trinh méit cau duong kinh AB la:
A 2+y?+22 - 4x-2y+22=0. B. x> +y2+22+4x—2y+22=0.
C. 2+y2+22-2x—y+2-6=0. D. x2+y2+22-4x-2y+2z+6=0.

@ Cau 82. Néu mit cau (S) di qua bon diém M (2;2;2),N (4;0;2),P (4;2;0) va @ (4;2;2) thi tam I
cua (S) c6 toa do la:
A. (-1;-1;0). B. 3;1;1). C. (1;1;1). D. (1;2;1).

@ Cau 83. Ban kinh mét cau di qua bén diém M (1;0;1),N (1;0;0),P (2;1;0) va @ (1;1;1) béng:
A. g B. V3. C. 1. D. g
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@ Cau 84. Cho mit cau (S):x%+y2+2%2-4=0va 4 diém M (1;2;0),N (0;1;0),P (1;1;1), Q (1;-1;2).
Trong bon diém d6, cé6 bao nhiéu diém khéng nam trén mat cau (S)?
A. 2 diém. B. 4 diém. C. 1 diém. D. 3 diém.

@ Cau 85. Mit cau (S) tam I(—1;2;-3) va tiép xic véi mat phang (P):x+2y+2z+1=0 c6
phuong trinh:

A, x-12+(y+22+(z-372%=_. B. (x+1)2+(y-22+(z+3)%=

C. x+1)2+(y-2)2+(z+3)% =

TIINCTIN
o
w| 5

: D. (x+1)2+(y—2)?+(2+3)? =

@ Cau 86. Phuong trinh miét cau nao duéi day c6 tam I(2;1;3) va tiép xic véi mét phang
(P):x+2y+22+2=0?

A, x-22+(y-12+(z-3)?=16. B. (x-22+(y-12+(z-1)°*=4.

C. x-22+(y-12+(z-1)2?=25. D. x+2°%+(y+1)?+(z+1)?=09.

@ Cau 87. Mat cau (S) tam 1(3;-3;1) va di qua A (5;—2;1)c6 phuong trinh:
A, x-32+(+32+(z-1)2=5. B. (x-52+(y+22+(z—-1)*=5.
C. x-32+(y+32+(z-172%= 5. D. (x-5°%+(y+2)2+(z-1)2 = 5.
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@ Cau 88. Phuong trinh mit trinh mét cau c6 dudng kinh AB véi A (1;3;2),B(3;5;0) la:
A x-22+(@y-4>%+(z-1)72=3. B. x-22+(y-4)2+(z-12%=2.
C. x+22+(y+4)2+(z+1)?%=2. D. (x+2)%+(y+4)*+(z+1)2=3.

@ Cau 89. Cho I(1;2;4) va mat phéng (P):2x+2y+2z-1=0. Mat cau tam I va tiép xuac vl mat
phang (P), c6 phuong trinh la:

A, x-12+(y+22%+(z-4)?2=4. B. x+1)2+(y+2)2+(z+4)%=1.

C. x-12+(y-2°+(z-4)%=4. D. (x-12+(y-2%+(z-4)?=3.
@ Cau 90. Cho duong thing d : % - yT_l - 2_+11 va diém A (5;4;—2). Phuong trinh mit ciu di
qua diém A va c6 tam 1a giao diém cta d véi mat phang (Oxy) la:

A. (S):(x—1)2+(y+272+22=64. B. (S):(x+1)2+(y-12+22=09.

C. (S):(x+1)2+(y+1)2+22=65. D. (S):(x+1)2+(y-1)2?+(z+2)?>=65.

@ Cau 91. Cho ba diém A (6;-2;3), B(0;1;6), C(2;0;-1), D (4;1;0). Khi &6 mét cau ngoai tiép ti
dién ABCD c6 phuong trinh la:

A ®+y?+2%2-4x+2y—-62-3=0. B. x2+y2+22+4x-2y+62-3=0.

C. x?+y2+22-2x+y-32-3=0. D. x2+y2+22+2x—y+32-3=0.

461 Suu tam va bién soan



1. HE TOA PO TRONG KHONG GIAN W GV: Doan Thinh

@ Cau 92. Cho ba diém A (2;0;1),B(1;0;0),C (1;1;1) va mat phing (P):x+y+z—2=0. Phudng
trinh mat cau di qua ba diém A,B,C va c¢6 tAm thudéc miat phang (P) la:

A, x®+y2+22-x+22+1=0. B. 2 +y2+22-x-2y+1=0.

C. 2+y%2+22-2x+2y+1=0. D. x> +y?+22-2x-22+1=0.

@ Cau 93. Phuong trinh mat cau tam I(1;-2;3) va tiép xtc véi truc Oyla:

A x-1*+(y+2°+(z-3)° =9. B. (x-1)2+(y+2)%+(z—3)?=16.
C. @-1*+(y+2°+(-3)*=8. D. (x—D?+(y+2)?+(z -3 =10,
x=1+t¢
@ Cau 94. Cho cac diém A (-2;4;1),B(2;0;3) va duong thang d : { y = 1+2t. Goi (S) 1a mat cau
z=-2+t
di qua A,B va c6 tam thudc dudng thang d. Ban kinh mét cau (S) bang:
A. 3V3. B. V6. C. 3. D. 2V3.

+1 y-2 2z+3

@ Cau 95. Cho diém A (1;-2;3) va dudng thing d c6 phuong trinh > 5 : — Phuong
trinh mét cau tam A, tiép xdc véi d 1a:

A. (x1)?+(y +2)? +(23)? = V50. B. (x1)?>+(y+2)?+(23)*=5.

C. (x1)?2+(y+2)? +(23)? =50. D. (x+1)?+(y—2)?+(z+3)%2 =50.
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. -1
@ Cau 96. Cho dudng thing d: ==
trinh mé&t cau (S) ¢6 tAm ndm trén dudng thang d c6 ban kinh nhé nhét tiép xic véi (P) va di
qua diém A (1;-1;1) 1a:

A, x+22+(y+22%+(z+1)2%=1. B. x-4)2+y2+(z-12=1.

C. x-12+(y+1)2+22=1. D. x-3)2+(y-12+(z-12%=1.

+1 N o 2
—yTziva mat phang (P):2x+y—2z+2=0. Phuong

@ Cau 97. Phuong trinh mit cau c6 tam I(1;2;3) va tiép xic véi mat phang (Oxz) la:
A, x®+y2+22+2x+4y+62—-10=0. B. x®2+y2+22-2x—4y-62+10=0.
C. ?+y2+22-2x—4y+62+10=0. D. 22 +y2+22+2x+4y+62-10=0.

@ Cau 98. Mit phang (P) tiép xic véi mat cau tam I(1;-3;2) tai diém M (7;-1;5) ¢6 phuong
trinh la:

A. 6x+2y+32+55=0. B. 3x+y+2z-22=0.

C. 6x+2y+3z—-55=0. D. 3x+y+z+22=0.

@ Cau 99. Cho mat cau (S): x2+y2+22-2x—4y—6z—-2 = 0 va méit phang («) : dx+3y—12z+10 = 0.
Mat phéng tiép xtc véi (S) va song song véi (a) c6 phuong trinh la:

A. 4x+3y—-122+78=0.

B. 4x+3y—-122-78=0 hoac 4x+3y—12z+26 =0.

C. 4x+3y—-122-26=0.
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D. 4x+3y—122+78=0 hoac 4x+3y—12z2-26=0.

@ Cau 100. Cho mit cau (S): (x—2)2 + (y+1)2 + 22 = 14. Mét cau (S) cat truc Oz tai A va B
(za <0). Phuong trinh nao sau day la phuong trinh tieép dién cta (S) tai B:
A. 2x—y-32+9=0. B. 2x-y-32-9=0. C. x—-2y-2-3=0. D. x-2y+z+3=0.

@ Cau 101. Cho 4 diém A(3;-2;-2),B(3;2;0),C(0;2;1) va D(-1;1;2). M&t cau tam A va tiép
xuc v6i mat phang (BCD) c6 phudng trinh la:

A -3 +(y+27 +(2+27° = V14. B. (x+3°+(y-27%+(z-2)*=14.
C. x+3+(y-272+(z-272=V14. D. (x-3)2+(y+272+(z+2)% = 14.

@ Cau 102. Cho mét phéng (P):2x+3y+2z—2=0. Mt cau (S) ¢6 tam I thudc truc Oz, ban
N 2 z 2,
kinh bang —— va tieép xuc mat phang (P) c6 phuong trinh:
g N Y phang Y g

2.
A. x2+y2+(z—3)2:§ hodc x2 +y2+(z—4)?>==.

3| D3| D

2
. x2+y2+(z—1)2=7 hodc x2+y2 +(z+2)% =

.

B

2
C. x2+y2+22:§ hodc x2 + y% +(z —4)? =
D

3| D3| DO

2.
. x2+y2+22:§hoacx2+y2+(z—1)2:
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@ Cau 103. Cho dudng théng d : % - y_—_; - ; va diém 1(4;1;6). Pudng thing d cit mit
cau (S) tam I tai hai diém A, B sao cho AB = 6. Phudng trinh cta mét cau (S) la:

A. x-42+(y-12%+(z-6)2=18. B. x-42+(y-12+(z-6)%2=12.

C. x-42+(y-12+(z-6)2=16. D. (x-4)2+(y-1)*+(z-6)2=09.

@ Cau 104. Cho mat phéng (P) va mat cau (S) c6 phuong trinh lan lucst 1a (P):2x+2y+2z—
m2+4m-5=0;(S): x2+y2+2%2-2x+2y—2z-6=0. Gia tri cia m dé (P) tiép xic (S) la:

A. m=-1hoac m=5. B. m =1 hoac m =-5.

C. m=-1. D. m=5.

@ Cau 105. Cho mit cau (S):x2+y%+22—2x+4y+2z -3 =0 va mit phang (P) :x+y—-2z+4=0.
Phuong trinh duong thang d tiép xuc véi mat cau (S) tai A (3;-1;1) va song song v6i mat phang
(P) la:

x=3—-4t x=1+4¢ x=3+4t x=3+2t
A. {y=-1+6t¢. B. {y=-2-6t. C. {y=-1-6t. D. {y=-1+¢.
z=1+t¢ z=-1-¢ z=1-¢ z=1+2¢

@ Cau 106. Cho hai mét phang (P):2x+3y—z+2=0, (Q):2x—y—z+2=0. Phuong trinh mét
cau (S) tiép xic véi mat phang (P) tai diém A (1;-1;1) va ¢6 tAm thudéc mat phang (Q) la:

A. (S):(x+32+(y+T7)2+(z—3)%=56. B. (S):(x-3)2+(y-7)?%+(z+3)2 =56.

C. (S):(x+32+(y+1*+(z-3)?=14. D. (S):(x-3)2+(y-7?%+(z+3)? =14.
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, 2 3 X
@ Cau 107. Cho duong théng A : % _ % - 2_1 va v mit cAu (S): x2+y2+22 +4x—2y—21 = 0.
S6 giao diém cua (A) va (S) la:

A. 2. B. 1. C. 0. D. 3.

x+2 y-2 z+3

@ Cau 108. Cho dudng thang d : va mat cau (S):x2+y2+(z+2)2=9. Toa

) 2 3 2
do giao diém cua (A) va (S) la:
A. A(0;0;2),B(-2;2;-3). B. A(2;3;2).
C. A(-2;2;-3). D. (A) va (S) khéng cit nhau.
x=1+t¢
@ Cau 109. Cho dudng thang (A):{ y=2 va mat cau (S): x2+y2+22—2x -4y +62—67 =0.
z=—-4+Tt
Giao diém ctaa (A) va (S) 1a cac diém c6 toa do:
A. (A) va (S) khong cat nhau. B. A(1;2;5),B(~2;0;4).
C. A(2;-2;5),B(4;0;3). D. A(1;2;-4), B(2;2;3).

N e < as 2 -1 -1 +2 . o A

@ Cau 110. Cho diém I(1;0;0)va dudng thang d : ad = y2 -z T Phuong trinh mat cau
(S) c6 tam I va cat duong thang d tai hai diém A, B sao cho AB =4 la:

A, (x-1)2+y%+22=09. B. (x-1)?+y?+22=3.

C. x+1)2+y2+22=3. D. (x+1)2+y2+22=9.
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. : 1 -3 -2 N
@ Cau 111. Cho diém I(1;1;-2) dudng thang d : x; . 5 = Z T Phuong trinh mat cau (S)

¢6 tam I va cit dudng thang d tai hai diém A, B sao cho AB =6 la:
A, (x-1+(y-1*+(z+2)* =27. B. (x+12+(y+1)2+(z-2)2=27.
C. @-D*+(y-D?+(z+2)"=24. D. (x—D?+(y-1)?+(z +2)? = 54,

@ Cau 112. Phuong trinh mit cau c6 tam I (3;v/3;-7) va tiép xtc truc tung la:

A x=37+(y-VB) +(+7? =61 B. (x-37+(y-3) +(+7)? =58,

C. (x+37+(y+V3) +(z-7?=58. D. (x-37+(y-V3) +(+7? =12
@ Cau 113. Phuong trinh mét cau c6 tam I (v/5;3;9) va tiép xtc truc hoanh la:

A. (x+V5) +(y+3)+(z +9) = 86. B. (v-VB) +(y-92+(-9?=14.

C. (x-V5) +(y -3 +(z—9)2 = 90. D. (x+V5) +(y+3)%+(2+9)% = 90.
@ Cau 114. Phuong trinh mit cau c6 tam I (-v6;—v/3;v2— 1) va tiép xtic truc Oz la:

s
A. (x+V8)+(y+v3) +(z-v2+1)*=0. B. (x+v8) +(y+v3)+(2-v2-1)"=0.
C. (x+V8) +(y+v3) +(z-v2-1)°=3. D. (x+V6) +(y+v3) +(z-v2+1)° =8.
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BAI2.  PHUONG TRINH MAT PHANG

@ TOM TAT LY THUYET
0 VECTO PHAP TUYEN CUA MAT PHANG

Dinh nghia 1. Cho mat phang (a). Néu 7 khac 0 va cé gia vudng géc véi mat phang (a)
thi 7 dudc goi 1a vecto phap tuyén cta (a).

Néu 7 la vecto phap tuyén ctia mét mét phang thi 27 véi & # 0, ciing 1a vecto phap
tuyen cua mat phang do.

Khai niém. Hai vecto o, b khong cung phuong dude goi la mot cap vecto chi phuong
cua (a) néu gia cua chung song song hoac nam trén (a).

Khai niém. Trong khong gian Oxyz, cho hai vects khéng cung phuong @ = (a1;as2;a3)
va b =(b1;bg;b3). Khi do vecto n= (agbg—asbs;azbi —a1bs;a1bg—asby) du’Qc gol 1a tich co
huéng (hay tich vecto) ctia hai vecto @ va b, ki hitula w=ad A b hodc 7 = [E’, b ]

€) PHUONG TRINH TONG QUAT CUA MAT PHANG

Pinh nghia 2. Phuong trinh cé dang Ax+By+Cz+D =0 trong d6 A,B,C khong dong thoi
bang 0 dude goi 1a phuong trinh tong quat cia mat phang.

(1) Néu mat phang (@) c6 phuong trinh téng quat 1a Ax+By+Cz+D =0 thi né c6 mét
vectd phap tuyén 1a @ = (A;B;C).

(2) Phudng trinh mét phang di qua diém My (xo; yo;20) nhan vecto 7 = (A;B;C) khac 0
lam vecto phap tuyén 1 A (x —x0) +B(y — yo) + C (z — z9) = 0.

Cac truong hop riéng: Xét phuong trinh mit phang (a): Ax+By+Cz+D =0 v6i A +
B%2+C2#0

— Néu D =0 thi mat phéng (a) di qua gbc toa do O.

— Néu A =0,B #0,C #0 thi mat phéng (a) song song hoéc chita truc Ox.

— Néu A #0,B =0,C #0 thi mit phang (a) song song hoic chia truc Oy.

— Néu A #0,B #0,C =0 thi mit phang (a) song song hoic chia truc Oz.

— Néu A =B =0,C #0 thi mat phang (a) song song hoic trung véi (Oxy).

— Néu A =C =0,B #0 thi mat phéng (a) song song hoic trung véi (Oxz).

— Néu B =C =0,A #0 thi mat phéng (a) song song hoic trung véi (0yz).

(1) Néu trong phuong trinh (a) khéng chita 4n nao thi (a) song song hoic chia
truc tuong tng.
(2) Phuong trinh mit phéng theo doan chén (a): 4 % +2-1.0 day (a) cat cac
a c

truc toa do6 tai cac diém (a;0;0), (0;5;0), (0;0;¢) véi abe #0.
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€) KHOANG CACH T MOT DIEM BEN MOT MAT PHANG

Trong khong gian Oxyz, cho diém My (xo; yo;20) va mét phéng (a): Ax+By+Cz+D = 0. Khi
d6 khoang cach ti diém M, dén mat phang a dugc tinh:

|Ax0+By0+Cz0+DI

(@) = T o7

€) GOC CUA HAI MAT PHANG

Trong khong gian Oxyz, cho hai mét phang (a): Ajx+B1y+Ci1z+D1=0va (8): Asx+Boy+
Caz +Dg =0. Géc gitia a va f bang hodc bu véi géc gitta hai VTPT 74,np. Tic la

_ |n_a)_ﬁ)ﬁ| _ |A1A9+B1Bg+ C1Cs|
nal |75l \/a2+B2+C2.\/AZ+B2+C2

cos((@),(B)) = |cos (% u, 7 )|

Q VI TRi TUONG DOI CUA HAI MAT PHANG

Cho hai mét phang (P1): A1x+B1y+C1z+D1=0va (Py): Agx+Boy+Coz+Dg=0.

Khi do6 ta c6 ba truong hop
Al B Cl D+
1. P = P —_—_— = —
(P1) (2)<>£2 BBZ CCZ 52
2. PP o L= 2L 7L
( 1)||(/ 2)©A2 B, Cz#Dz
3. (Pl) cat (Pz)@Al:Bltcl #Az:Bz:Cz.

M A1-As+B1-By+C1-Cy=0< (P1) L (Py). %

(® CACDANG TOAN

O Dang 1. Viét phuong trinh mat phéng trung tryc clia doan théng AB cho truéc

Mt phang trung truc ciia doan thang la mdt phang di qua trung diém va vudng géce véi
doan thang do. Do do ta co

i quaI(xA +xB;yA +yB;ZA +ZB)
P):

2 2 2
VTPT 7#p=AB = (x3 —%A;¥8 — YA;2B — 24).

Vidul. Viét phuong trinh mét phang trung truc cta doan thing AB.
@ A(2;0;1), B(0;-2;3)
2 A(1;3;-4), B(-1;2;2)

Loi giai:
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................................................................................................

................................................................................................

................................................................................................

[ Dang 2. Viét phuong trinh mat phéng di qua mét diém va cé cdp véc-to chi
phuong cho truéc.

Mt phang can tim cé véc-to phdp tuyén chinh la tich cé hudng ciia cdp véc-to chi phuong.

Do do ta co .
{Bi qua diém M cho trudc
(P):

VTPT 7p = [3;3] .

Vi du 1. Viét phuong trinh mat phang di qua diém M va cé cép véc-to chi phuong
sau: N

@D M@1;2;-3), @ =(2;1;2), b =(3;2;-1)

(2 M(1;-2;3), @ =(3;-1;-2), b =(0;3;4)

Loi giai:

Vi du 2. Viét phuong trinh méat phang (P) di qua ba diém A, B, C sau:
D) A(2;-5;1), B(3;4;-2), C(0;0;-1)
(2 A(1;-2;4), B(3;2;-1), C(-2;1;-3)
(3) A(3;-5;2), B(1;-2;0), C(0;-3;7)

Loi giai:
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(D Dang 3. Viét phuong trinh mét phdng (P) di qua M va vudng géc véi dudng théng
d di qua hai diém A va B

Di qua M

Mt phang (P): N
A phang {VTPT:Tz’p:?[d:AB

Vi du 1. Viét phuong trinh mét phang (P) di qua M(-1;2;3) va vudng géc véi dusng

thang d biét d di qua hai diém A(2;-4;3), B(4;5;6).

Loi giai:

[ Dang 4. Viét phuong trinh méat phéng (P) di qua A, B vé vudng géc véi mét phdng
@)

Diqua A

Mvt hz PZ —>
B {VTPT: 7p=|AB,7q|

i Vi du 1. Viét phuong trinh mit phang (P) di qua hai diém A(0;1;0), B(1;2;-2) va
vuong goc v6i mat phang (Q):2x—y+3z+13=0.

[ Dang 5. Viét phuong trinh mét phéng (P) di qua diém M va chira dudng théng A

Xdc dinh diém A € A va VTCP .
Di qua M

Khi d6 mit phéng (P): _
@0 mat phang (P) {VTPT: mp =AM,

i@ Vi du 1. Viét phuong trinh mat phang (P) di qua diém M(2;-3;1) va chita dudng

thang A ¢6 phuong trinh
x=4+2t

A:{y=2-3t.
z=3+t

Loi giai:
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................................................................................................

(D Dang 6. Viét phuong trinh mét phéing (P) chita hai duéng théng song song A; vé
Ag
. Diqua AeAiva Bely
Mat phang (P): - —
PR T\ VIPT: Bp = |AB 7]
Vi du 1. Viét phuong trinh miat phang (P) chita hai dudng thang A; va As véi
x=2+3t 9 1 5
. x+2 y-1 z+
Ar:idy=4+2 xr2_y-1_z+3
1:4y +2t (2eR) va Ay 3 2 1
z=-1+¢
Loi giai:
[ Dang 7. Viét phuong trinh mat phdng (P) chira hai dudng théng cét nhau A; va
Ag
. Di qua M € A
Mat phang (P): N N
a@p A {VTPT np:[uAl,uA2]

Vi du 1. Viét phuong trinh mit phang (P) chiia hai dudng thang c6 phuong trinh

x=—t x=t
Ar:idy=—1+2t(teR) vA Ag:{y=1+2¢ (¢ €R).
z=3t z=4+5¢

................................................................................................

................................................................................................
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(D Dang 8. Viét phuong trinh mét phdng (P) chira dudng théng A; va song song véi
duong thang A, véi A1 va A, chéo nhau

Di qua M € A

Mt phdng (P):
at phang (P) {VTPT.' 7o = [Tayda,]

Vi du 1. Viét phuong trinh mat phang (P) chita duong thang A; va song song véi
duong thang Ag véi

x=1-2¢ x=2t
A1:{y=3+t (teR)va Ag:{y=1+t (¢ eR).
z=-2-3t z=3-2¢

................................................................................................

................................................................................................

(3 Dang 9. Viét phuong trinh mét phdng (P) di qua M, déng thdi vudng géc véi hai

mat phéing () va ()
n(P)
[, ] = 7P
n(ﬁ)

n(tx)
Phuong phap giai:
@ L T
Vi (P) vudng goc vdi hai mdt phdang (a) va (B) nén {
)L 7 p).
Do vay 7 p) = [T (@, p)]- 9
di qua diem M

Khi dé ta viét phuong trinh mdt phang (P): { . PN
co véc-td phap tuyeén la 7 (p).

Vi du 1. Trong khéng gian véi hé truc toa do Oxyz cho diém M(1;-3;2) va (a): x+2y—
52+1=0, (B): 2x— 3y —z +4 = 0. Viét phuong trinh mat phang (P) di qua diém M, dong
thoi vuong géc véi hai mat phang (a) va (f).

Loi giai:
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.....

C/

...........................................................................................

TRAC NGHIEM

@ Cau 1. Chon khang dinh sai.
A.

B.

C.

Néu 7 1a mét vects phap tuyén ctia mat phang (P) thi k7 (k € R) ciing 14 mét vects phap
tuyén cia mit phang (P).

Mbét mét phang hoan toan dudce xac dinh néu biét mét diém né di qua va mét vects phap
tuyén ctia né.

Moi mét phang trong khong gian Oxyz déu c6 phuong trinh dang: Ax+By+Cz+D =
0 (A2+B2+C2#0).

. Trong khéong gian Oxyz, méi phuong trinh dang: Ax+By+Cz+D =0 (A2+B2+C?#0)

déu 1a phuong trinh cta mot mat phang nao dé.

|

>

u 2. Chon khang dinh ding

Néu hai vects phép tuyén ctia hai mat phang cung phuong thi hai mat phang dé song
song.

Néu hai mét phang song song thi hai vects phap tuyén tusng ting cung phuong.

Néu hai mit phang trung nhau thi hai vecto phéap tuyén tuong tng bang nhau.

Néu hai vecto phap tuyén cta hai mit phang cung phuong thi hai mat phang dé trung
nhau.

@ Ca
A.
B.

C.

u 3. Chon khéng dinh sai

Néu hai duong théng AB,CD song song thi vecto [Zg,é_ﬁ] 12 mét vecto phap tuyén caa
miét phang (ABCD).

Cho ba diém A,B,C khong thang hang, vecto [E,E] 12 mot vectd phép tuyén ctia mét
phang(ABC).

Cho hai dudng thang AB,CD chéo nhau, vecto [AB ,C’75 11& mot vecto phap tuyén ctia mat
phéng chita dudng thang AB va song song véi dudng thang CD.

. Néu hai dudng thang AB,CD cat nhau thi vectd [E,@] 12 mét vects phéap tuyén caa

mat phéng (ABCD).
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@ Cau 4. Trong khong gian Oxyz, cho mat phang (P): 2x+y -5 = 0. Vecto nao duéi day 1a mot
vecto phap tuyen ctia mat phang (P)?
A. 7 =(2;1,0). B. 7 =(2;1;,-5). C. ©=(2;-1;0). D. 7 =(2;1;5).

@ Cau 5. Trong khéng gian Oxyz, mét phang di qua ba diém M (1;0;1), N (1;3;0), P(0;2;1) c6
mot vecto phap tuyen la
A. 7 =(2;1;-3). B. 7 =(2;1;3). C. ©w=(-2;1;3). D. 7 =(2;-1;3).

@ Cau 6. Trong khéng gian Oxyz, phudng trinh mét phéng di qua diém M (2;1;-3) va nhan
7 =(1;2;-2) 1am vectd phap tuyen la
A. 2x+y-32-10=0. B. x+2y—-22+2=0. C. 2x+y—-32-14=0. D. x+2y—-22-10=0.

@ Cau 7. Trong khéng gian véi hé toa d6 Oxyz, phuong trinh nao duéi day la phuong trinh
mit phang di qua diém M(1;2;-3) va c6 mot vecto phap tuyén 7 = (1;-2;3).

A. x-2y+3z+12=0. B. x-2y-3z2-6=0.

C. x-2y+32-12=0. D. x-2y-32+6=0.
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@ Cau 8. Trong khong gian véi hé toa do Oxyz, cho hai diém A(0;1;1) ) va B(1;2;3). Viét
phuong trinh cia mat phang (P)di qua A va vudng géc véi duong thing AB.

A. x+y+22-3=0. B. x+y+2z-6=0.

C. x+3y+4z-7=0. D. x+3y+42z-26=0.

@ Cau 9. Trong khéng gian Oxyz, cho diém M(2;-1;4) va mat phang (P): 3x—2y+z+1=0.
Phuong trinh cia mat phang di qua M va song song véi mit phang (P) 1la

A. 2x-2y+42-21=0. B. 2x-2y+4z+21=0.

C. 3x—-2y+z-12=0. D. 3x-2y+2z+12=0.

@ Cau 10. Trong khéng gian véi hé toa d6 Oxyz, cho diém M (3;-1;—2) va mat phing (P):
3x -y +2z +4 = 0. Phuong trinh nao duéi day 1a phuong trinh mit phang di qua M va song
song véi (P)?

A. (@):3x—y+2z-6=0. B. (Q):3x+y—-22-14=0.

C. @):3x—y+2z+6=0. D. (Q):3x—y—2z-6=0.
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@ Cau 11. Trong khéng gian Oxyz, cho ba diém A(3;0;0), B(0;1;0) va C(0;0;-2). Mat phang
(ABC) c6 phuong trinh la:
x y z

AT Y 2 B. - +-+—=1 c. Iy =1. D. 2 +Y 21
3 -1 2 3 1 -2 3 -3

=<

@ Cau 12. Trong khéng gian Oxyz, cho ba diém M(1;0;0), N(0;2;0), P(0;0;3). Mit phang
(MNP) c6 phuong trinh la:

A. 6x+3y+22-6=0. B. 6x+3y+2z+1=0.

C. 6x+3y+2z—-1=0. D. x+y+z-6=0.

@ Cau 13. Trong khong gian Oxyz, cho diém M(1;2;3). Goi A,B,C lan lugt 14 hinh chiéu vuong

géc ctia diém Mlén céc truc Ox,0y,0z. Viét phuong trinh mat phang (ABC).
A Zi24:221 B. 2221 c. 2+2: 220 D. -Z+24+221.
1 2 3 1 2 3 1 2 3 1 2 3
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@ Cau 14. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (a):x+y+z—6=0. Diém nao
duéi day khong thudc (a)?
A. Q(3;3;0). B. N(2;2;2). C. P(1;2;3). D. M(1;-1;1).

@ Cau 15. Trong khéng gian véi hé toa do Oxyz, cho mit phing (P):x—2y+z—-5=0 Diém nao
dudi day thudce (P)?
A. P(0;0;-5). B. M(@1;1;6). C. Q(2;-1;5). D. N(-5;0;0).
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@ Cau 16. Trong khong gian Oxyz, mét phang nao dudi day di qua gbc toa do?
A. x+20=0. B. x-2019=0. C. y+5=0. D. 2x+5y—-8z=0.

@ Cau 17. Trong khong gian Oxyz, cho mat phang (P):3x+4y+2z+4 =0 va diém A(1;-2;3).
Tinh khoang cach d tit A den (P).

5 5 5
A. :_o B. :_o . :_o . .
d 9 d 29 C. d 55 3

@ Cau 18. Trong khéng gian Oxyz, khoang cach tir diém M (1;2;3) dén miat phang P : 2x -2y +

bang.
4 4 4
B. -. . - D. -.
9 C 3 3
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@ Cau 19. Trong khong gian Oxyz, tinh khoang cach tit M(1;2;-3) dén méit phang (P): x +
2y+2z-10=0.

A2

B. 3. c. ’. D. &
3 3 3

@ Cau 20. Trong khong gian Oxyz, cho mét phang (P): 2x—2y+z—1 = 0. Khoang cach tir diém
M(-1;2;0) dén mat phang (P) bang

A. 5. B. 2. c. > D. &
3 3

@ Cau 21. Trong khong gian Oxyz, phuong trinh mat phéng di qua ba diém A (2;0;0), B(0;3;0),
C(0;0;-1) 1a

A Z+21 2 o B.

x )y
2 3 -1 2

+-+-=-1. c. 24242 o1 D. -+ +—=-1.
3 2

3 -1 2 3 -1
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@ Cau 22. Trong khong gian Oxyz, cho mat phang (P):x -2y +2z —5 = 0. Piém nao dudi day
thuoc (P)?
A. M(1;1;6). B. N(-5;0;0). C. E(0;0;-5). D. Q(2;-1;5).

@ Cau 23. Trong khong gian Oxyz, méit phang («) chita truc Ox va di qua M (3;1;4) c6 phuong
trinh la
A. 4y-z=0. B. 4y+2z=0. C. 4x-3z=0. D. x-3y=0.

@ Cau 24. Trong khong gian Oxyz, phudng trinh mit phang trung truc ctia doan thang AB
biét A (2;-1;0), B(—4;3;2) 1a

A. -3x+y+z-5=0. B. -3x+2y+2z-6=0.

C. x+y+z-5=0. D. x+y+z-6=0.

@ Cau 25. Trong khong gian Oxyz, cho hai diém A (4;0;1) va B(-2;2;3). M&t phang trung truc
cua doan thang AB c6 phuong trinh la
A. 3x—-y—-2=0. B. 3x+y+z-6=0. C. x+y+2z-6=0. D. 6x-2y-2z-1=0.
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@ Cau 26. Trong khong gian Oxyz, cho hai diém A (-1;2;0) va B(3;0;2). Mt phang trung truc
cia doan thang AB c6 phudng trinh la
A. x+y+z-3=0. B. 2x-y+z+2=0. C. 2x+y+z—-4=0. D. 2x-y+z-2=0.

(4 (;ﬁu 27. Trong khong gian véi hé toa do Oxyz, cho mat phang (a): Ax+By+Cz+D =0. Tim
khang dinh sai trong cac ménh dé sau:

A. A=0,B#0,C #0,D # 0 khi va chi khi (a) song song véi truc Ox.

B. D =0 khi va chi khi (a) di qua gbc toa dé.

C. A#0,B=0,C #0,D =0 khi va chi khi (a) song song v4i mat phéng (Oy2).

D. A=0,B=0,C #0,D # 0 khi va chi khi («) song song v6i mat phéng (Oxy).

@ Cau 28. Trong khong gian véi hé toa do6 Oxyz, cho A(a;0;0), B(0;b;0), C(0;0;c), (abc #0).
Khi dé phuong trinh mat phéng (ABC) la
Xy z

A 22220 B. 2+24+221, c. Z+2: 221 D. —+=+—-=1
a b ¢ b a c a ¢ b c b a
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@ Cau 29. Trong khéng gian véi hé toa do6 Oxyz, cho mét phéng (a): 3x —z = 0. Tim khang
dinh ding trong cac ménh dé sau:
A. (a)//Ox. B. (0)//(x0Oz2). C. (0)//0y. D. (a)>0y.

@ Cau 30. Trong khong gian véi hé toa d6 Oxyz. Mat phéng (P) 1a —x+ 3z —2 = 0 ¢6 phudng
trinh song song vdi:
A. Truc Oy. B. Truc O=. C. Mat phang Oxy. D. Truc Ox.

@ Cau 31. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) c6 phudng trinh 3x+2y —
z+1=0. Mat phang (P) c6 mot vects phap tuyen la:
A. 7 (3;2;1). B. 7 (-2:3;1). C. 7 (3;2;-1). D. 7 (3;-2;-1).

@ Cau 32. Trong khéng gian véi hé toa d6 Oxyz, cho mét phang (P) ¢6 phudng trinh —2x +
2y —z—3=0. Mat phang (P) ¢c6 mét vects phap tuyen la:
A. W 4;-4;2). B. 7 (-2;2;-3). C. 7 (-4:;4;2). D. 7 (0;0;-3).

@ Cau 33. Trong khong gian véi hé toa do Oxyz, cho ba diém A (1;-2;1), B(~1;3;3), C(2;-4;2).
Mot vects phap tuyeén 7 ctia méat phang (ABC) la:
A. 7 =(9:4;-1). B. 7 =(9;4;1). C. w=(4;9;-1). D. 7 =(-1;9;4).
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@ Cau 34. Trong khong gian véi hé toa do Oxyz. Piém nao sau day thudc mat phang (P):
—2x+y—-5=0
A. (-2;1;0). B. (-2;1;-5). C. (1;7;5). D. (-2;2;-5).

@ Cau 35. Trong khoéng gian véi hé toa d6 Oxyz. Phuong trinh mat phang (P) di qua diém
A(-1;2;0) va nhan 7 (-1;0;2) 1a vects phap tuyen c6 phuong trinh la:
A. —x+2y-5=0. B. —x+2z2-5=0. C. x+2y-5=0. D. —x+2z-1=0.

@ Cau 36. Trong khong gian véi hé toa dd Oxyz, cho ba diém A (3;-2;-2), B(3;2;0), C(0;2;1).
Phuong trinh mat phang (ABC) la:
A. 2x-3y+6z=0. B. 4y+22-3=0. C. 3x+2y+1=0. D. 2y+z-3=0.

@ Cau 37. Trong khong gian véi hé truc toa d6 Oxyz, cho hai diém A(-1;0;1),B(-2;1;1).
Phuong trinh mat phang trung truc ctia doan AB la:
A. x—-y-2=0. B. x-y+1=0. C. x-y+2=0. D. —x+y+2=0.
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@ Cau 38. Trong khong gian véi hé toa d6 Oxyz. Mit phing (P) di qua cac diém A (-1;0;0),
B(0;2;0), C(0;0;—-2) c¢6 phuong trinh la:
A, 2x+y+2z-2=0. B. 2x-y—2+2=0. C. 2x+y—-2-2=0. D. -2x+y-2+2=0.

@ Cau 39. Trong khong gian Oxyz, phuong trinh miat phang di qua ba diém A(-2;1;0),
B(0;-1:3), C(2;0;-1) la:

A. 5x+14y+6z-4=0. B. —x+14y+6z-16=0.

C. 5x+10y+6z=0. D. 5x+14y+10z-4=0.

@ Cau 40. Trong khong gian Oxyz, phuong trinh mét phang di qua hai diém N (3;-1;1),
M (2;0;—-1) va vuoéng goéc véi mat phang (a):2x—y+z—-1=01a
A. x+3y+z-1=0. B. x+3y+z+1=0. C. 2x-3y+z-1=0. D. 2x+3y+z-1=0.

@ Cau 41. Trong khéng gian véi hé truc toa d6 Oxyz, cho diém A (-1;2;1) va hai mat phang
(a):2x+4y—62—5=0va (f):x+2y—32=0. Tim khang dinh ding?

A. Mat phing (8) di qua diém A va song song v6i mit phang (a).

B. Mt phang () di qua diém A va khéng song song véi mat phang ().

C. M3t phang () khong di qua diém A va khong song song véi mit phang (a).

D. Mt phang (8) khong di qua diém A va song song véi mat phing (a).
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@ Cau 42. Trong khéng gian véi hé truc toa d6 Oxyz, cho diém M (2;-1;3) va cac mat phang:
(@):x-2=0, (f):y+1=0, (y):2—3=0. Tim khang dinh sai.
A. (a)//Ox. B. () di qua M. C. (y)//(xOy). D. (8)L(y)-

@ Cau 43. Trong khong gian véi hé truc toa do Oxyz. Phuong trinh mit phang qua A (2;5;1)
va song song v6i mat phang (Oxy) la:
A. 2x+5y+2z=0. B. x-2=0. C. y-5=0. D. z-1=0.

@ Cau 44. Trong khong gian v6i hé truc toa d6 Oxyz. Mat phang di qua M (1;4;3) va vudng
g6c véi truc Oy c6 phuong trinh la:
A. y-4=0. B. x-1=0. C. z-3=0. D. x+4y+3z=0.

@ Cau 45. Trong khéng gian véi hé truc toa d6 Oxyz, cho mét phang (a): 6x—3y —2z -6 =0.
Khang dinh nao sau day sai?
A. Mit phang (a) ¢6 mot vecto phap tuyeén 1a ©'(-6,3,2).
7z 2 b 6
B. Khoang cach tit O dén mat phang (a) bang g

C. Mit phang (a) chia diém A (1,2, - 3).
D. Mit phang («) cit ba truc Ox,0y,0z.
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@ Cau 46. Trong khong gian véi hé truc toa d6 Oxyz. Biét A,B,C 1a s6 thuc khac 0, mat phang
chaa truc Ozc6 phuong trinh la:
A. Ax+Bz+C=0. B. Ax+By=0. C. By+Az+C=0. D. Ax+By+C=0.

@ Cau 47. Trong khong gian véi hé truc toa d6 Oxyz, cho cac diém A (5;1;3),B(1;2;6),C (5;0;4),D (4;0;6).
Viet phuong trinh mat phang qua D va song song v6i mat phang (ABC).
A. x+y+z-10=0. B. x+y+z-9=0. C. x+y+z-8=0. D. x+2y+z-10=0.

@ Cau 48. Trong khong gian véi hé truc toa d6 Oxyz, cho cac diém A (5;1;3),B(1;2;6),C (5;0;4),D (4;0;6).
Viét phuong trinh mat phang chita AB va song song véi CD.

A. 2x+5y+z—-18=0. B. 2x—-y+3z+6=0.

C. 2x—-y+2z+4=0. D. x+y+z-9=0.

@ Cau 49. Trong khéng gian véi hé truc toa d6 Oxyz, goi (P)la mat phang chia truc Ox va
vudng goc v6i mat phang (®):x +y+z—3=0. Phuong trinh mat phang (P) la:
A. y+z=0. B. y—-z=0. C. y—z-1=0. D. y-2z=0.
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@ Cau 50. Trong khéng gian véi hé truc toa d6 Oxyz. Phudng trinh ctia mat phang chita truc
Ox va qua diém I(2;-3;1) la:
A. 3y+z=0. B. 3x+y=0. C. y—-3z=0. D. y+3z=0.

@ Cau 51. Trong khong gian véi hé toa d60 Oxyz, cho ba diém A (2;-1;1),B(1;0;4)va C (0;-2;—1).
Phuong trinh mat phang qua A va vudong goc véi duong thang BC la:
A. 2x+y+22-5=0. B. x—2y+32-7=0. C. x+2y+52-5=0. D. x+2y+5z+5=0.

@ Cau 52. Trong khéng gian véi hé truc toa d6 Oxyz, cho mit phang (a)di qua A(2;-1;4),
B(3;2;-1) va vudng géc v6i mat phing (Q) : x+y+2z —3 = 0. Phuong trinh mat phéng (a) la:

A. 5x+3y—-42+9=0. B. x+3y-52+21=0.

C. x+y+2z2-3=0. D. 5x+3y—-4z=0.

@ Cau 53. Trong khong gian hé toa do Oxyz, cho A(1;2;-1); B(~1;0;1) va mat phing P : x +
2y —z+1=0. Viet phuong trinh mat phang @ qua A,B va vuong goéc véi P
A. Q:2x—y+3=0. B. Q:x+z=0. C.Q:—x+y+z=0. D. @:3x-y+z=0.
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@ Cau 54. Trong khong gian Oxyz, cho hai diém A (2;4;1),B(-1;1;3) va mat phang P:x—3y+
2z —5=0. Lap phuong trinh m#t phang @ di qua hai diém A,B va vuéng géc véi mit phang
P.

A. 2y+3z-11=0. B. 2x-3y-11=0. C. x-3y+22-5=0. D. 3y+2z-11=0.

@ Cau 55. Trong khéng gian véi hé toa d60xyz, cho diém A (2;4;1);B(-1;1;3) va mat phang
P:x—3y+2z—5=0. Mot mat phang @ di qua hai diém A,B va vudng géc véi mat phang P ¢
dang ax +by+cz—11=0. Khang dinh nao sau day la ding?

A. a+b+c=5. B. a+b+c=15. C. a+b+c=-5. D. a+b+c=-15.

@ Cau 56. Trong khong gian véi hé truc toa do Oxyz, mét phing (a) di qua M (0;-2;3), song

. < 2 -2 +1 N ~ TR 2 .
song vdi duong thang d : e YT v vudng géc v6i mat phang () : x+y—z =0 ¢6 phuong
trinh:
A. 2x-3y-52-9=0. B. 2x-3y+5z-9=0.
C. 2x+3y+5z+9=0. D. 2x+3y+5z-9=0.
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@ Cau 57. Trong khéong gian véi hé truc toa d6 Oxyz. Toa do giao diém Mcua méit phang
(P):2x+3y+2z—4=0v6i truc Ox 1a?

A. M(0,0,4). B. M(O,g,O). C. M 3,0,0). D. M (2,0,0).

@ Cau 58. Trong khong gian véi hé toa d6 Oxyz, goi (a)la mat phang qua cac hinh chiéu caa
A (5;4;3)lén cac truc toa do. Phuong trinh ciia mat phang (a)la:

A. 12x+15y+20z2-60=0. B. 12x+15y+20z+60=0.
C. f+Z+E:0_ D. f+z+i—60:0.
5 4 3 5 4

@ Cau 59. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (a)di qua hai diém A (5;—2;0),
B(-3;4;1) va c¢6 mot vects chi phuong 1a @' (1;1;1). Phuong trinh ctia mat phang (a) 1a:
A. 5x+9y—-14z=0. B. x—-y-7=0.

C. 5x+9y—-142-7=0. D. -5x-9y—-14z+7=0.

@ Cau 60. Trong khong gian véi hé truc toa d6 Oxyz, c6 bao nhiéu mit phing song song véi
mat phg.ng (P): x+y+2z—6=0 va tiép xic véi mat cau (S):x% + y? + 22 =12?
A. 2. B. Khong c6. C. 1. D. 3.
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@ Cau 61. Trong khong gian véi hé truc toa do Oxyz, cho 4 méit phang (P):x—2y+4x—-3=0,
(Q)—2x+4y—-8z+5=0,(R):3x—6y+122—10=0, (W):4x—8y+8z—-12=0. C6 bao nhiéu cap mat
phéng song song véi nhau.

A. 2. B. 3. C. o. D. 1.

@ Cau 62. Trong khong gian véi hé truc toa do Oxyz, cho hai mat phang (a):3x+(m—1)y +
4z-2=0, (B) : nx+(m+2)y+22z+4=0. V4i gia tri thuc ctia m,n bang bao nhiéu dé () song song

(B)

A. m=3;n=-6. B. m=3;n=6. C. m=-3;n=6. D. m=-3;n=-6.

@ Cau 63. Trong khong gian véi hé truc toa d6 Oxyz, cho hai mit phang (P) : x+my+(m—1)z+

2=0, (Q):2x—y+3z—4=0. Gia tri s6 thuc m d€ hai mét phang (P),(Q) vudng géc
1 1
A. m=1. B.m:—é. C. m=2. D.mzi.

@ Cau 64. Trong khong gian véi hé truc toa d6 Oxyz. Cho hai mit phing (a): x—2y+2z-3=0,
(B) :x—2y +2z —8=0. Khoang cach gitta hai méit phang (a), (6) 1a bao nhiéu?

Ad(@.(p)=7. B.d(@(p)=m5. C d(@l(p)=5  D.d(@,(p)=

o~
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@ Cau 65. Trong khéng gian véi hé toa do6 Oxyz, (a)la mat phang di qua diém A (2;-1;5) va
vubng géc voi hai mit phang (P):3x—2y+z+7=0va (Q):5x—4y+3z+1=0. Phuong trinh mat
phéng (a) la:

A. x+2y+z-5=0. B. 2x—4y—-22-10=0.

C. 2x+4y+2z+10=0. D. x+2y-z+5=0.

@ Cau 66. Trong khéng gian véi hé toa d6 Oxyz,toa d6 diém M n3m trén truc Oy va cach déu
hai mat phang: (P):x+y-2+1=0va(Q):x—y+z-5=0 la:
A. M(0;-3;0). B. M (0;3;0). C. M(0;-2;0). D. M (0;1;0).

@ Cau 67. Trong khong gian véi hé toa d6 Oxyz, goi (a) 1a mat phing qua G (1;2;3) va cit cac
truc Ox, Oy, Oz lan luot tai cac diém A, B, C (khéc gbc O) sao cho G 1a trong tam ca tam giac
ABC. Khi d6 méit phang (a) ¢6 phuong trinh:

A. 3x+6y+2z+18=0. B. 6x+3y+22-18=0.

C. 2x+y+32-9=0. D. 6x+3y+22+9=0.

@ Cau 68. Trong khong gian v6i hé toa dd Oxyz, goi (@)la méit phang song song véi mit phang
(B) :2x —4y+4z+3 =0 va cach diém A (2;-3;4) mdt khoang % = 3. Phudng trinh ctia mit phéng
() la:

2x—4y+4z-5=0hoac 2x—4y+4z-13=0.

x—2y+2z-25=0.

x—2y+2z-7=0.

cx—2y+2z-25=0hoac x—-2y+2z-7=0.
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@ Cau 69. Trong khong gian véi hé toa d6 Oxyz,cho hai dudng thang d1,ds1an lugt c6 phuong

~2 y-2 2-3 1 y-2 z-1 . \
trinh dlzx2 :y1 = 23 , 2:x2 . 1 -z . Phuong trinh mat phang (a) cach déu
hai duong thang d1,ds la:

A. Tx-2y—-4z=0. B. 7x-2y—-42z+3=0.

C. 2x+y+3z+3=0. D. 14x—4y-8z+3=0.

@ Cau 70. Trong khong gian véi hé toa d6 Oxyz, cho A(1;0;0), B(0;b;0), C(0;0;c), (b >0,c>0)
va mat phang (P): y—z+1=0. Xac dinh b va ¢ biet mat phang (ABC) vuéng goc v6i mat phang

7z N 1
(P) va khoang cach tit O den (ABC) bang 3

1 1 1

A. b= = B.bzl,c:§. C. b= D. b=

,c=1,

DN | =

1
2

Sl
DN | =

_’C
V2

@ Cau 71. Trong khong gian véi hé toa d6 Oxyz,méit phéng (a) di qua diém M (5;4;3)va cit
cac tia Ox,0y,0z cac doan bang nhau c6 phuong trinh la:

A. x+y+2z-12=0. B. x+y+z=0.

C. 5x+4y+3z-50=0. D. x-y+z=0.
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@ Cau 72. Trong khong gian véi hé truc toa do Oxyz, goi (P)la mat phang chia truc Oy va
tao v6i mat phang y+z+1=0 géc 60°. Phuong trinh mat phang (P) 1a
x—2z=0 B x—y=0 C. x—z—-1=0 D x—2z2=0

x+z2=0 ) x+y=0 x—2=0 " lx+z=0"

@ Cau 73. Trong khong gian véi hé toa do Oxyz, cho hinh cau (S): (x— 1)2+(y —2)?+(z - 3)? = 1.
Phuong trinh mat phé’lng (a) chtta truc Oz va tiép xuc véi (S)

A. (@):4x-3y+2=0. B. (a):3x+4y=0.

C. ():3x—4y=0. D. (a):4x-3y=0.

@ Cau 74. Trong khong gian v6i hé toa do Oxyz, cho hinh cau (S): (x— 12 +(y-2)2 +(z-3)% =
16. Phuong trinh mat phéng (@) chtta Oy cit hinh cau (S) theo thiét dién la duong tron cé chu
vi bang 87

A. ():3x-2=0. B. (@):3x+z=0. C. (@):3x+2+2=0. D. (a):x—-3z=0.
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BAI3. PHUONG TRINH BUONG THANG TRONG
KHONG GIAN

@ TOM TAT LY THUYET

4) VEC-TO CHi PHUONG

Trong khong gian Oxyz, véc-t6 © dude goi 1a véc-to chi phuong cua A

duong thing A khi va chi khi ¥ # 0 va gia clia véc-t6 @ song song y
hoac trung véi A.

— Mot dudng thang c6 vo s véc-td chi phuong va céc véc-to iy cing phuong véi nhau.
— Mot dudng thang hoan toan dude xac dinh khi biét mét diém di qua va mot véc-to
chi phuong cta no.

Q PHUONG TRINH CUA PUONG THANG

(1) Phuong trinh tham sb cta duong thang A qua M(xo;yo0;20) va ¢é véc-té chi phuong

X =xq9+at,
©=(a;b;c)la|A: { y=y,+bt,

z=2zqg+ct.

(2) Phuong trinh chinh tic ctia duong thing A qua M(xo; y0;20) va c6 véc-té chi phuong

N . xX—x - z—z
u =(a;b;c)la|A: U _ =40 0
a b c

vO1 abe #0.

€ coc

@) Géc cua hai duong thang
— Cho duong thang A; c6 véc-to chi phuong @, va dudng thang Ay c6 véc-to chi
phuong 5.

— Goi ¢ 1a géc giita hai duong thang A; va Ay. Ta ¢6 |cosp =

2 Géc chua duong thang va mat phang
— Cho dudng thang A c6 vecto chi phuong ux va mat phang « c6 véc-to phap tuyén

—>
nao
— —
. N R D 5 |l _q A" Ng
— Goi ¢ la géoc cia A va a thi [sing = ————
|[@al- |7l
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€) KHOANG CACH

(1) Khoang cach tir diém M dén duong thang A.

— Cho diém M va dudng thang A qua diém M, va c6 véc-td chi phuong @x.
2 2 ~ N A S ‘ I:u—A)’ MOM] ‘
— Ta c6 khoang cach tu M den A la [d(M,A) = #
ua

(2) Khoang cach giira hai duong thang chéo nhau
— Cho A; di qua diém M va c6 vectd chi phuong @1, As di qua diém N va c6 vecto
chi phuong @

(%1, %5]-MN|
— Khoang cach caa A; va Ag la |d(A1,Ag) =

|[@1, @]
Q VI TRi TWUONG DSI CUA HAI PUONG THANG
xX=xo+ait
Cho 2 duong thang: d :{ v = yo +ast qua M, c6 VTCP @4 va
z=z¢+tast
x=xy+a)t
d':{ y=yy+ast' qua N, c6 VTCP ay.
!/ I 4/
z=2zy+tagt
— Cach 1:

(@2, MN] [[ad, ad,]:WJ

[[c‘id, MN]| = 5] [[&’d, W];éﬁ] [[ad, @y).MN = o] [[ad, c'idf].m;éOJ
i ¥ Y
d=d d| d d cit d’ d chéo d’

xo+ait=xy+a’t’
— Cach 2: Xét hé phuong trinh: { yo +agt = yy +ast’ (x).
zo+ast =zy+ast
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- Hé ¢6 nghiém duy nhét < d va d’ cat nhau.
— Hé v6 nghiém < d va d’ song song hoac chéo nhau.
— Hé v6 s0 nghiém < d va d’ trung nhau.

n Chi st dung cach nay khi can xéac dinh giao diém ctia d va d’. J
(1) d song song d' & da=ky

— :k—>/
@dtrfmgd’@{ad @a

® dchtd e aq kh()ng_c)fmg phuong véi a g
[@,d']-MN =0.

@ d chéo d' & [@4,aq] - MN #0.

€@ VIR TUONG DI CUA DUONG THANG VA MAT PHANG

xX=xo0+ait
Cho duong thang: d :{ y = yo +ast vamp (a): Ax+By+Cz+D =0.
z=2z¢+ast
Xét hé phuong trinh:
x=x¢+ait 1)
y=Yo+ast (2)
(%)
z=2z9+ast 3)

Ax+By+Cz+D =0 (4)

— (%) ¢6 nghiém duy nhat < d cit ().
— (%) ¢6 vo nghiém < d || (a).
— (%) v0 s0 nghiém < d < (a)

(® CACDANG TOAN

0 Dang 1. Tim vec-to chi phuong, diém thuéc duong théng

Xx=x0+tay
3 2 . X=X - 2—2 “ A 2 2
Duong thang A: { y=yo+tag hodc 0 - 720 9 ¢ mot vec-td chi phuong la
aq as as
z=z¢9+tas

@ =(a1;a2;a3).
Ung véi moi gid tri ctia t € R sé cho toa d6 mot diém thuoc A.

Vi du 1. Trong khong gian véi hé toa d6 Oxyz, mot véc-to chi phuong ctia dudng thang
x—3 y+1 z-4
= = la
—2 — 3 5 — — —
A. ©w=(-3;1;-4). B. u =(2;3;5). C. u=(3;-1;4). D. uw =(-2;3;5).
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, « . e 1 A « . 2 -1 +1 -2
Vi du 2. Trong khong gian véi hé toa do Oxyz, cho duong thang A : ad 5 = Y . Z 5
va cac diém A(1;-1;2), B(3;2;0), C(-1;—4;4). Trong ciac diém A,B,C c6 bao nhiéu diém
thudc duong thang A?

A. 0. B. 1. C. 2. D. 3.

[ Dang 2. Pudng thdng di qua mét diém va véc-to chi phuong cho trudc.

O dang nay véc-to chi phuong c¢6 thé dude cho trude hodc én trong cdc ddc diém tuong
ung ctia duong thang .
— Puong thang (d) di qua hai diém A, B, khi dé véc-to AB la mot chi phuong ciia (d).
— Duong thang (d) song song vdi duong thang (1), khi dé véc-to chi phuong ciia (1)
cung la mot chi phuong cua (d).
— DPuong thang (d) vuéng géc véi mdt phing (a), khi dé véc-to phdp tuyén cia (a) la
mot chi phuong ctia (d).

Vi du 1. Viét phuong trinh dudng thang (d) khi biét (d) di qua diém M(1;2;-3) va
nhan véc-to © =(-1;3;5) lam mot véc-to chi phuong.

Lai giai:

Vi du 2. Viét phuong tham s6 ctia duong thang (d) biét (d) di qua hai diém A(2;3;-1)
va B(1;2;4).

Loi giai:

................................................................................................

You

Vi du 3. Trong khong gian Oxyz, viét phuong trinh tham sb duong thang di qua diém
M(1;-2;3) va vudng goéc v6i mat phang toa do (Oxy).

Loi giai:

................................................................................................
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Vi du 4. Trong khéng gian Oxyz, viét phuong trinh tham s6 ctia dudng thang di qua
diém M(1;2;3) va song song vdi truc Oz.

................................................................................................

................................................................................................

(O Dang 3. budng ihéng d di qua diém M va song song v&i hai mat phéng cét nhau
(P) va (@)

Phuong phap. VTPT ciia (P), (Q) lan ludt la 71, We. Liic nay ta dudce vec-to chi phuong
ctia duong thang d la (71, Wa).

Vi du 1. Viét phuong trinh dudng thang d di qua diém A(1;-1;1) va song song véi hai
mat phang (P): x+y-3z-1=0va (Q): —2x+y—-4z+1=0.

Loi giai:

................................................................................................

................................................................................................
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(3 Dang 4. Viét phuong trinh dudng thdng giao tuyén ctia hai méat phéng

7
\
7o 7p
: \Q

Cho hai mdt phang (P): A1x+B1y+Ciz+D1 =0, mdt phang (Q): Asx +Bsoy+Coz+Do =0
dé viét phuong trinh duong thang (d) la giao tuyén chung ciia hai mdt phang trén ta can
xdc dinh hai yéu t:
— Véc-to chi phuong cia (d), ¥ =[rnp,ngl.
— Diém M ma (d) di qua, tim duge bang cdch cho z = zy va khi d6 x,y tim ti hé phuong
trinh cua (P), (Q).

Péi véi dang nay ta cé thé tim phuong trinh (d) bang cdch gidi hé phuong trinh
Aqx +Bly+Clz +D1=0

© Asx+Boy+Coz+Dg=0
tham sé ciia duong thang (d).

, nghiém ctuia hé dudc viét 6 dang tham sb la phuong trinh

Vi du 1. Viét phuong trinh dudng thang (d) 1a giao tuyén ctia hai mit phang (P): 6x+
2y+2z+3=0va(Q): 3x—5y—2z—-1=0.

Loi giai:

................................................................................................
................................................................................................
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[ Dang 5. Viét phuong tinh dudng thdng di qua diém M vé vudng géc véi hai
duong thang cho truéce.

Thuc hién theo cac budc sau: d
@) Xd@c dinh véc to chi phuong U1,us ctia cdc duong M.
thang (d1),(d2) ]
2 Goi /?[ la mot véc to chi phuong cia duong thang (d) S
ta L €O \d1
ulu 1 — [—> — ]
= = N
TR A
(3) Viét phuong trinh (d) di qua M va cé véc to chi phuong

u

Vi du 1. Viét phuong trinh duong thang (d) di qua diém M(1;0;5) va vudng géc véi

x=1+2t x=1-t¢
(d1): S y=8-2t,(dg): { y=2+t
z=1+t z=1+3t.

N, * 2 0
C1 glai:

.
................................................................................................

................................................................................................

(3 Dang 6. Viét phuong trinh dudng théng d di qua diém A, vudng géc véi dudng
thang d; va cat duong thang d;

d
@ G()i Mednd;. N
(2 VidLld; nén ta cé6 AM-ug, =0. Tu day tim 14
dudc toa do diém M.
(3) Viét phuong trinh duong thang d di qua hai "
diém A va M. r]/ |

Vi du 1. Viét phuong trinh dudng thang (d) di qua diém M(1;2;-2), vuéng géc va cat
x=t

duong thang (1): { y=1-¢
z =2t.

Loi giai:
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[ Dang 7. Viét phuong trinh dudng thdng di qua diém A, vudéng géc véi dudng ‘
thang d; va cat duong thang d»

Cach 1:
— Viét phuong trinh mdt phing () di qua diém A va vudng
goc duong thang d;.
— Tim giao diém B = (a)Nds. di

— Duong thang can tim di qua A va B. //A/F/\TB /

Cach 2:
— Goi B la giao diém clia d va d.
— Vi AB vuéng goéc dy nén AB-d 4, =0= toa do B.
— Duong thang can tim di qua diém A,B.

Cach 3:
— Viét phuong trinh mat phang (P) di qua A va vudng
goc duong thang d;.
— Viét phuong trinh mdt phing (Q) di qua A va chita
duong thang do.
— Duong thing can tim la giao tuyén cia (P) va (Q).

i Vi du 1. Viét phuong trinh duong thang (d) di qua diém M(0;1;1) vudng géc voéi

1 2 x=-1
X :y—:%vécét(dz): y=t

(d1): 3 1
z=1+t¢.

Loi giai:

................................................................................................
................................................................................................
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| Dang 8. Viét phwong trinh dwdng théng di qua diém A ddng thai cét cahaidudng
théng dq va do

Cach 1:

— Viét phuong trinh mdt phang (a) di

qua diém A va chia duong thang di. d>
— Tim giao diém B = (a)ndo.
— Duong thing can tim di qua A va B.

Cach 2:

— Goi B,C lan lugt la hai diém thuoc
di,dos.

— Ba diém A,B,C thing hang suy ra toa C
déB,C. B A

— Duodng thang can tim di qua ba diém
ABC. i

do

Cach 3:
— Viét phuong trinh mdt phang (P) di qua A va chia
duong thang d;.
— Viét phuong trinh mdt phing (Q) di qua A va chia
duong thang do.
— Duong thing can tim la giao tuyén ciia (P) va (Q).

Vi du 1. Viét phuong trinh dudng thang (d) di qua diém M va cit hai dudng thing
(d1), (d2).

-1 -3 -1
V61 M(1;0;5), (d1): ad 4 _Z

2 -2

N x—1 y—-2 2z-1
a (dq): = = .
valdy): =" =3

Loi giai:

................................................................................................
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(D Dang 9. Viét phuong trinh duéng théng d ném trong mat phéing (P) déng thoi cét
cd hai dudng thang d; va d,

(D) Truong hop trong hai duong thang di,ds c6 duong thing song song vdi (P) thi
khéng ton tai duong thang d.

(2) Truong hop di va de déu khéng nam trén (P) va cat (P):

d

R d 2
(@) Goi giao diém ciia d1, ds v6i (P) lan luot la A va B. T \ ' /
dé tim duoc toa do A va B. ﬁ\/B‘/d
(b) Viét phuong trinh duong thing d di qua hai diém A va — |
B. \ /'

(3) Truong hop cé duong thang ndm trén (P), gid st di < (P):
(@) Néu ds < (P) thi véi mbi diém M nam trén (P) ta sé lap dudc vé sé duong thing
d qua M, dong thoi cdt di va ds.
(b) Néu dy ¢ (P), ds cdt (P) thi ta tim giao diém M cia ds va (P). Nhu vdy, cing
6 vo s6 duong thang d qua M va cdat d;.

Vi du 1. Viét phuong trinh dudng thang (d) nam trong mit phing (P): y + 2z = 0 cit

x=2-t
2 _1
ca hai duong thang (d): x_l = % = Z va(dg): { y=4+2t
z=1.

@® TRAC NGHIEM

@ Cau 1. Trong khéng gian Oxyz, cho dudng thang 73 = (1;2;-1). Vects nao dudi day 1a mot
vectd chi phuong cia d?
A. u1=(2;1;1). B. u5=(1;2;-3). C. u3=01;-2;-1). D. us=(2;1;-3).

@ Cau 2. Trong khong gian Oxyz, cho mat phang (a) : x + 2y — 2z + 3 = 0. Phuong trinh tham
s6 cia duong thang di qua diém A (2;1;-5) va vuong géc v6i mit phang (a) 1a
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x=-2+t x=1+2¢ x=2+t x=2—t
A. {y=-1+2¢. B. {y=2+¢t . C.{y=1+2¢t . D.<{y=1+2¢t .
z2=5-2¢ z=-2-5¢ z=-5-2t z=-5-2t

@ Cau 3. Trong khong gian v6i hé toa d6 Oxyz cho dudng thang d c¢6 phudng trinh tham sb
x=2+t
3t . Phuong trinh chinh tic cta dudng thang d 14?

z——1+5t

-2 +1 +2
A x-2=y=z+1. B.x_:lzz5.c." :gz . D. =2

(4 C 4. Trong khong gian véi hé toa d6 Oxyz, cho dudng thang A c6 phuong trinh chinh tic

x; y__+31 = % Phuong trinh tham s6 ctia dudng thang A 14?
x=3+2t x=2+3t x=-3+2t x=-3-2t
A. { y=-1-3t. B. {y=-3-t¢. C. {y=1-3t . D. {y=1+3¢t .
z=t z=t z=t z=t

x=0
@ Cau 5. Trong khong gian véi hé toa d6 Oxyz, cho duong thang d:{ y=¢ . Vecto nao dudi
z=2-1
day 1a vecto chi phuong ctia dudng thang d?
A. =10 -1). B. ¥ =(0;0; 2). C. 7 =(0; 1; 2). D. 7 =(0; 1; -1).
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@ Cau 6. Trong khéng gian v6i hé toa do Oxyz, cho mat phang (P): 2x—y+z+3 =0 va diém
A(1; -2;1). Phuong trinh duong thang di qua A va vuong goc véi (P) la:

x=2+t x=1+2¢ x=1+2¢ x=1+2t
A. A:{y=-1-2¢. B. A:{y=-2-2¢. C. A:{y=-2-1¢. D. A:{y=-2-4¢.
z=1+t¢ z=1+2¢ z=1+t¢ z=1+3¢

2 -4 -5
@ Cau 7. Trong khong gian Oxyz, tim mot vecto chi phuong ctia duong thang d: ad = yT =
z+7
_A. w =(7;-4;-5). B. ¥ =(5;-4;-17). C. ©=4;5,-17). D. @ =(7;4;-5).

> -2 +2
@ Cau 8. Trong khong gian véi hé toa do Oxyz, dudng thang d : xT = yT = g di qua nhiing

diém nao sau day?
A. A(-2;2;0). B. B(2;2;0). C. C(-3;0;3). D. D(3;0;3).

x—2 y+1 2z+3
-1 2

@ Cau 9. Trong khéng gian Oxyz cho dudng théng d : . Diém nao sau day

khong thudc dudsng thing d?
A. Q(-1;0;-5). B. M(-2;1;3). C. N(2;-1;-3). D. P(5;-2;-1).
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@ Cau 10. Trong khong gian véi hé toa d6 Oxyz, cho tam gidc ABC véi A(1;1;1); B(-1;1;0);
C(1;3;2). Puong trung tuyén xuat phat tit dinh A ctia tam gidc ABC nhan vecté @ nao dudi
day la mot vecto chi phuong?

A. @ =(-1;1,0). B. @ =(-2;2;2). C. @ =(-1;2;1). D. @ =(1;1;0).

@ Cau 11. Trong khong gian v6i hé toa d6 Oxyz, cho dudng thang d c¢é vects chi phuong @ va
mat phang (P) c6 vecto phap tuyén 7. Ménh dé nao dudi day ding?

A. d song song véi (P) thi ¥ cung phuong véi 7.

B. d vudng géc véi (P) thi & vudng goc véi 7.

C. @ vudng géc véi 7 thi d song song véi (P).

D. ¥ khong vudng géc véi 7 thi d cat (P).

@ Cau 12. Trong khéng gian véi hé toa d6 Oxyz, cho hai diém A (2;3;-1),B(1;2; 4). Phuong
trinh duong thang nao dudc cho duéi day khong phai la phuong trinh duong thang AB.

1 2 4 x=2-t
A T -y 2 272 B. {y=3-1¢
1 1 =5
z=-1+5¢
x=1-t 2 3 1
+ + -
C. {y=2-¢t. D. X =Y . .
1 1 -5
z=4+5¢

. -1 -1 .
@ Cau 13. Trong khéng gian véi hé toa d6 Oxyz, cho duong thang d : xT = _12 -z biém
nao dudi day khong thuoc d?
A. N(1;0;1). B. F(3;-4;5). C. M(0;2;1). D. E(2;-2;3).
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+1 y-1 2-z

@ Cau 14. Trong khéng gian toa d6 Oxyz, cho dudng thang (d): ad . Vécto nao

-2 3
sau day la mot vécto chi phuong cta duong thang (d)?
A. ug=(-2;3;1). B. ug=(-1;1;2). C. ug =(2;-3;1). D. ug=(-2;-3;-1).
x=-2+t
@ Cau 15. Trong khéng gian véi hé toa do Oxyz, cho dudng théng d :{ y=1+t . Phuong
z2=24+2t

trinh chinh tic cua dudng thing d la:
x—2 y+1 z-2

x—2 y+1 z+2

A. . B.
t1 ylo 224 SRS .t
+ j— p— p— — —
c.lr-_r =2 27 ) A A
1 1 2 2 1 2

@ Cau 16. Trong khéng gian Oxyz cho dudng thang (d) ¢6 phuong trinh chinh tic la xg5 -

+ 1 - 6 . A N A , 2 . ., M
y_4 - 2~2 Vécto nao dudi day la mot vécto chi phuong ciia duong thang (d)?
A. ¥ =(5,-1;6). B. © =(3;-4;2). C. ¥ =(-5;1;-6). D. ¥ =(3;4;2).

Suu tam va bién soan



3. PHUONG TRINH DUONG THANG TRONG KHONG GIAN W GV: Doan Thinh

x=1-t¢
@ Cau 17. Trong khéng gian Oxyz, cho dudng théng d : { y=-2+2¢. Vects nao dudi day la
z=1+t
vecto chi phuong caa d?
A. W=(1;-2;1). B. 7 =(1;2;1). C. m=(-1;-2;1). D. 7w =(-1;2; 1).

x=0
@ Cau 18. Trong khéng gian véi hé toa d60xyz, cho dudng thang d :{ y=2+¢. Tim mét vec
z=-1
to chi phuong cua dudng thang d.
A. ¥ =(0;1;1). B. ¥ =(0;1;-1). C. ©=(0;2;-1). D. © =(0;2;0).
x=1-2¢
@ Cau 19. Trong khéng gian Oxyz, cho duong thang d:{ y=3 . Trong cac vecto sau, vecto
z=5+3t
nao 14 mot vecto chi phuong ctia duong thang d.
A. a1 =(1;3;5). B. a1 =(2;3;3). C. a3 =(-2;0;3). D. a1 =(-2;3;3).
A A . e 1A A N 2 x—1 y+1 2z ..
@ Cau 20. Trong khong gian véi hé toa do Oxyz, cho duong thang d : —— = 5 =3 biém
nao trong cac diém dudi day nam trén duong thang d?
A. N(1;-1;2). B. M (3;2;2). C. P(5;2;4). D. Q(1;0;0).
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x=3+t

@ Cau 21. Trong khong gian véi hé toa do Oxyz, cho dudng thang (d):<{ y =1-2t. Mot vecto

chi phuong cua d la
A. T =(-1:2:2). B. 7 =(1;-2;0). C. 7=(3:1:2). —(1;-2:92).

@ Cau 22. Cho hai diém A (4;1;0), B(2;—-1;2). Trong cac vectd sau, tim mot vecto chi phuong

cta dudng thang AB.
A. ¥ =(6;0;2). B. ¥ =(2;2;0). C. ¥=(1;1;-1). D. ¥ =(3;0;-1).
N N . N e x+8 y-5 =z a3 )
@ Cau 23. Trong khéng gian Oxyz, cho dudng thang d : 4 - 5 71 Khi d6 vecto chi
phuong cta dudng thing d c6 toa d6 la:
A. (4;2;1). B. (4;2;-1). C. (4;,-2;-1). D. (4;-2;1).

. e 1A A . 2 ) . -1
@ Cau 24. Trong khong gian véi hé toa d6 Oxyz cho duong thang d cé phuong trinh xT =
Y-

2 2
=2 3. Véc to nao dudi day la véc to chi phuong caa duong thang d?

A. 7 =(3:2:3). B. ¥ =(1;2;3). C. ¥ =(3;2;0). D. ¥ =(3;2;1).
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) -1
@ Cau 25. Cho duong thang d : g .2 5 Tim vecto chi phuong cta d?.
A.

1
w=(2;2;0). B. “=(2;1;2). C. ©=(1;6;0). D. ¥ =(2; 6; 2).

@ Cau 26. Trong khéng gian véi hé toa d6 Oxyz, cho duong thing d vudng géc véi mat phang
(P):4x—2z+3=0. Vec-to nao dudi day la méot vec-to chi phuong ctia duong thang d?
A. ©=(4; 1; 3). B. ©“=4; 1, -1). C. “=4; -1; 3). D. ¥ =(4; 0; -1).

-1
@ Cau 27. Trong khong gian Oxyz cho d : % = yT = % Khi d6 vecto chi phuong cta duong
thang d 1a.
A. ©w=(0; 1;0). B. ©=(1;2;1). C. u=(1;0;1). D. ¥ =(2;0; 1).

@ Cau 28. Trong khong gian véi hé truc toa d6 Oxyz, cho hai diém A (0;—1;-2) va B(2;2;2).
Vecto @ nao dudi day 1a mot vecto chi phuong ctia dusng thang AB?
A. @ =(2;1,0). B. @ =(2;3;4). C. @ =(-2;1;0). D. @ =(2;3;0).
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@ Cau 29. Trong khong gian véi hé toa do Oxyz, cho hai diém A (1;2;2), B(3;-2;0). Mot vecto
chi phuong cia dudng thang AB la:
A. ¥ =(2;-4;2). B. ¥ =(2;4;-2). C. ©=(-1;2;1). D. ¥ =(1;2;-1).

@ Cau 30. Trong khéng gian véi hé toa do Oxyz, cho mat phang (P): 2x —2y +z = 0 va dudng

. 1 C s A R 2 , A L
thang d : ler = % = il Goi A 1la mot duong thang chua trong (P), cat va vudong goc véi d.
Vecto @ = (a; 1; b) 1a mét vecto chi phuong ctia A. Tinh téng S =a +b.

A. 5=2. B. S=4. C. S=1. D. S=0.

@ Cau 31. Trong khong gian véi hé toa d6 Oxyz, cho hai mat phang (P):2x+y—-z—-1=0 va
(®):x—2y+2z—-5=0. Khi do, giao tuyen caa (P) va (@) c6 mot vects chi phuong la

A. ¥ =(-1,3;-5). B. ¥ =(1;3;5). C. v=(1;-2;1). D. ¥ =(2;1;-1).
x =2t
A . N 2 < x—1 y z-3 2 . R
@ Cau 32. Cho hai duong thang d;:{ y=1+4t va dy: 4 =5~ 3 Khang dinh nao sau
z2=2+6t
la dung?
A. d1 cat dz. B. d1 = d2. C. dl, d2 chéo nhau. D. d1 // dz.
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x—1 y z—1

@ Cau 33. Trong khong gian Oxyz, cho duong thang d : 5 =1~ 3 Mot vec to chi
phuong cia dudng thang d 1a:
A. us=(1;0;1). B. u3=(2;-1;-3). C. u1=(2;-1;3). D. u;=(-2;-1;3).
x=2t
@ Cau 34. Trong khéng gian Oxyz, mot vecto chi phuong ctia duong thang A:{ y=-1+¢ 1
z=1
A. m=(2;-1;1). B. 7 =(-2;-1;0). C. v =(2;-1;0). D. ¥ =(2;1;1).
" N . N 2 x—-1 y-2 2z . e 3
@ Cau 35. Trong khong gian Oxyz, cho duong thang d : 5 = 3 -1 Puong thang d c6
mot vector chi phuong la
A. ul=(2;-3;4). B. u;=(1;2;4). C. uy=(1;2;0). D. u3=(2;-3;0).

@ Cau 36. Trong khong gian Oxyz, cho mit phang (P): x—2y—3z—2 = 0. Pudng thang d vuong
géc véi mat phang (P) c6 mot vectd chi phuong 1a
A. u3=(1;-3;-2). B. u1=(1;-2;-2). C. uy=(1;-2;-3). D. u;=(1;2;3).
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@ Cau 37. Trong khong gian véi hé truc toa d6 Oxyz, cho duong thang A ¢6 phuong trinh:
x=1+4+2¢
y=-2+t (¢ 1a tham s6 thuc ). Vects nao dudi day 14 mét vects chi phuong ctia A?
z=3
A. ui=(1;-2;3). B. u3=(2;1;0). C. u3=(2;1;3). D. u;=(-2;-1;3).

@ Cau 38. Trong khong gian véi hé toa do Oxyz, vécto nao sau day la vécto chi phuong cia

x=-1+2¢
duong thing { y=1
z=2-t
A. u3=(2;0;2). B. u1=(-1;1;2). C. u3=(2;0;-1). D. u;=(2;1;2).
x=t
@ Cau 39. Trong khéng gian Oxyz, cho dudng thang d :{ y = 1-¢. Pudng théng d di qua diém
z=2+t
nao sau day?
A. F(0;1;2). B. H(1;2;0). C. E1;1;2). D. K(1;-1;1).

@ Cau 40. Trong khong gian véi hé toa do Oxyz, vécts chi phuong ctia dudng thang vudng
géc v6i mat phang di qua ba diém A (1;2;4), B(-2;3;5), C(-9;7;6) c6 toa do la:
A. (3;4;5). B. (-3;4;-5). C. (3;—-4;5). D. (3;4;-5).
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@ Cau 41. Trong khong gian véi hé toa do Oxyz vecto nao duéi day 1a vects chi phuong cta
0z?

A. 7 =(1;0;0). B. m=(1:1;1). C. % =(0;0:1). D. 7 =(0;1,0).
x=2+3t
@ Cau 42. Trong khong gian véi hé toa d6 Oxyz, cho A(4;-2;3), A:{y=4 , duong thang d
z=1-¢

di qua A cét va vudng géc véi A ¢6 mot vects chi phuong 1.
A. @ =(5;2;15). B. @ =(1;0;3). C. @ =(4;3;12). D. @ =(-2;15;-6).

5 -2 1 -1
@ Cau 43. Trong khong gian véi hé toa d6 Oxyz, cho duong thang d : x2 Yoz .

Phuong trinh tham s6 ctia dudng thang d 1a4?

x=2+2t x=2+2t
A. {y:—l—t,(te[}e), B. {y=-1-t¢,(teR).
z=-1+¢ z=—-1-¢
x=2-2t x=2+2t
C.{y=1-t ,(teR). D. {y=-1-¢t,(teR).
z=-1-t z=1-t

2 -3 +2 +1
@ Cau 44. Trong khéong gian véi hé toa d6 Oxyz, cho dudng thang d : x2 =7 Sy

-1 4
Diém nao sau day khong thudéc duong thang d?
A. M(1;-1;-3). B. N(@3;-2;-1). C. P(1;-1;-5). D. Q(5;-3;3).
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@ Cau 45. Trong khong gian toa do Oxyz cho A(1;2;-1), B(3;1;-2), C(2;3;-3) va G la trong
tam tam giac ABC. Xac dinh vectd chi phuong cia duong thang OG.

A. U =(2;2;-2). B. ©=(1,2;-1). C. ©“=(2;1;-2). D. ¥ =(1;2;-2).
@ Cau 46. Duong thing (A): % - y—Iz - _il khong di qua diém nao dudi day?
A. (1;-2;0). B. A(-1;2;0). C. (-1;-3;1). D. (3;-1;-1).

x-2 y-2 z-1
2 2 N N 1 _/ 1 - 2 2
mat phang (a«): x+y+2z-1=0. Goi d la duong thang nam trén («) dong thoi cat duong thang
A va truc Oz. Mot vécto chi phuong ctaa d la:
A. ©=(1;1;-2). B. ©=(1,2;-3). C. ¥=(@1;-2;1). D. ¥ =(2;-1;-1).

va

@ Cau 47. Trong khong gian véi hé toa d6 Oxyz, cho dudng thang A :

@ Cau 48. -2017] Trong khong gian Oxyz, cho duong thang d vudéng géc véi mat phang (P):
4x -z +3=0. Vecto nao dudi day 1a mot vecto chi phuong ctia dudng thang d.
A. W=04;1;-1). B. ©=(4;-1,3). C. ¥=(4;1;3). D. @ =(4;0;-1).
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@ Cau 49. Trong khong gian véi hé toa do Oxyz, cho duong thang A : x-{2 = y; Lo 2;2 va

mét phang (P) : x+y+z = 0. Tim mét vecto chi phuong % ctia dudng thang A’ 12 hinh chiéu cta
duong thang A 1én mat phang (P).
A. ©W=(1;1;-2). B. ¥ =(1;-1,0). C. ¥ =(1;0;-1). D. v =(1;-2;1).

x=2+3t
@ Cau 50. Trong khéng gian Oxyz, dudng thang d : {y 5—t c6 mot vecto chi phuong la
u

A. T4=(-3;1,2). B. 75=(3;-1,2). C. @1=(3;-1,0). D. @5 =(2;5;0).

x—1 y+1 2z+3

@ Cau 51. Trong khong gian Oxyz cho duong thang d : . Trong cac vecto

2 -1 2
sau vectd nao la vecto chi phuong cia duong thang d.
A. W (2;1;2). B. W(1;-1;-3). C. ©(-2;-1;-2). D. ¥ (-2;1;-2).
@ Ca -1 M _ %9
. BN
A. ©Wy=(-1;2;0). B. u3:(—2,2,—4). C. ©1=(1;1,2). D. ©w4=(1;-2;0).
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@ Cau 53. Trong khong gian véi hé toa d6 Oxyz, cho diém M (2;-3;1) va mét phang («a): x +
3y—2z+2=0. Pudng thang d qua diém M va vudng géc véi mit phang (a) c6 phuong trinh 1a

x=2+t x=1+2¢ x=2+t x=2—t
A. d:{y=-3-3t. B. d{ y=3-3t. C. d{ y=-3+3t. D. d{ y=-3-3t.
z=1-¢ z=—-1+t¢ z=1+t¢ z=1+t¢

@ Cau 54. Trong khong gian Oxyz, dudng thang di qua diém A (3;-2;4)va c6 véctd chi phuong
© =(2;-1;6) c6 phuong trinh

A x—3:y+2:z—4- B. x+3:y—2:z+4.
23 s %y 29 y¥1 206
x— y— z— X — y z—
C- = = . D. = = .
2 -1 6 3 -2 4

@ Cau 55. Duong thing d di qua M (2;0;-1) va ¢6 véc to chi phuong a = (4;-6;2) ¢6 phuong
trinh

x=2+2t x=-2+2t x=-2+4t x=4+2t
A. {y=-3t . B. {y=-3t . C. {y=-6t . D. { y=-3¢
z=—-1+¢ z=1+t¢ z=1+2¢ z=2+t

@ Cau 56. Trong khéng gian Oxyz, duong thang di qua diém A (-2;4;3) va vudng géc véi mat
phang 2x — 3y +6z+19 =0 c6 phuong trinh la

A x+2:y—3:z+6' B. x+2:y—4:z—3.
%a i3 226 29 y¥1 293
- - + +
c Xre_Yro_270 p 2 Yrt_z7o
2 4 3 2 -3 6
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@ Cau 57. Trong khéng gian véi hé toa d6 Oxyz, cho diém B(2;-1;3) va mat phang (P): 2x —
3y+3z—-4=0. Pudng thang A di qua diém B va vudng géc mp (P) c6 phuong trinh 1a
x—2 y+1 2z-3 x—-2 y+1 2z-3

A. B. = =
20 431 21 29 31 213
C. X =Y _Z ) D. X =Y . .
2 _3 1 —2 3 1

@ Cau 58. Trong khong gian véi hé toa d6 Oxyz, phudng trinh chinh tic cia dudng thang

qua A (1; 4; —7) va vudng géc véi mét phang (P):x +2y2z3=01a
x—4 y-1 z+47 x-1 y-4 z+7

A. . B. .
Ly 31 & L3 T
c. ==X -_Z270 ) S A
2 1 —2 1 2 2

@ Cau 59. Trong khoéng gian Oxyz, cho diém A (-1;-3;2) va mét phang(P):x—2y-3z-4=0,
Puong thang di qua diém A va vudng géc véi mat phang(P) c6 phuong trinh 1a
x+1 y-2 z+3 x+1 y+3 z-2

A. = . B. = .
L . L .3
- - + - - +
c.l -2 %272 ) JA D A
-1 2 3 1 -2 -3
x=1+2¢
@ Cau 60. Cho dudng théng d c6 phuong trinh tham s6{ y=2-¢ Viét phuong trinh chinh
z=—-3+t

tac ctia dudng thang d.
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d:x+1:y+2:z—3' B.d:x—lzy—2:z+;
21y Jls 21 y0% .13
e D.d: =2 2-27°

2 -1 1 ) 1 1

C. d:

@ Cau 61. Trong khéng gian véi hé truc toa do Oxyz, viét phuong trinh tham sb cta dudng
thang di qua hai diém A (1;2;-3), B(2;-3;1).

x=1+t¢ x=2+t x=1+¢ x=3—-t
A. {y=2-5¢. B. { y=-3+5t. C. {y=2-5¢ . D. { y=-8+5t.
z=3+4t z=1+4¢ z=-3-2t z=5—-4¢t

@ Cau 62. Trong khong gian véi hé truc Oxyz, cho mat phang (P): 2x—y+3z = 0. Pudng thang
d di qua M (1;-1;2) va vuong goc vdi (P) c6 phuong trinh

x=1+2¢ x=1+3¢ x=3+3t x=2+3t
A. {y=-1-¢. B. {y=-1-¢. C. {y=t . D. {y=t¢
z2=2+3t z2=5-2¢ z=2t z2=2+2t

@ Cau 63. Trong khong gian véi hé toa do Oxyz, cho diém M (5;-3;2) va mit phang (P):
x—2y+2z—1=0. Tim phuong trinh duong thang d di qua diém M va vudng géc (P).
x—5 y+3 z-2 x-—6 y+5 z-3

A. = B. = )
L S 15 & L1

C. X =Y =z ) D. X =7 =2 )
1 —2 1 1 —2 1
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@ Cau 64. Trong khéng gian véi hé toa do Oxyz, cho mit phang (P):x—2y+z—1=0 va diém
M (1;1;2). Puong thang d di qua M va vuong goc véi mat phang (P) c¢6 phuong trinh la:
-1 -1 -2 -1 2 -1
A.d:x =Y =2 . B.d:x _Yre_z .
O P t1oyi1 2
“1_y-1_2-2 D g Xl _y+l_z+
1 1 2 1 -2 1

C.d:x

@ Cau 65. Cho dudng thang d di qua diém A (1;4;-7) va vudng géc véi mit phang (a): x+2y—
2z —3 =0. Phuong trinh chinh tac cia duong thang d la:
-1 -4 -1 -4
A.d:x =Y :—Z+7. B.d:x 4 :z+7.
1 2 2 1 2 2
x-1 y-4 z+7 x—1 z+17

. D. d: =y+4=
2 2 1 4

C. d:

@ Cau 66. Trong khoéng gian véi hé toa do Oxyz cho d 1a duong thing di qua A(1;-2;3) va
vuong goc v6i mat phang (P):3x—4y—5z+1=0. Viét phuong trinh chinh tac cia duong thang

d.
x—-1 y+2 2z-3

x-1 y+2 2z-3

_ , B.
2t 31 ie 223
+ — — —
C. X :y :Z+ ' D, X :y+ :Z .
3 -4 5 3 4 5

@ Cau 67. Trong khong gian véi hé toa d60xyz, viét phuong trinh chinh tic ctia dudng thang
di qua diém M (1;-1;2) va nhan ¥ =(2;1;3) lam vecto chi phuong.
x-1 y-1 2z-2 x+1 y-1 z+2

A. : B. = =
21 11 32 21 11 32
c. X _y+l_z- ' p. ¥~ _y+l_z-
2 1 3 1 2 3
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x=1-¢
@ Cau 68. Trong khong gian Oxyz, cho diém M (1;2;3) va dudng thang A:{ y=¢ , (tER).
z=—-1-4¢

Viét phuong trinh duong thang di qua M va song song véi A.
x-1 y-2 2z-3 x y-3 z+1

A. ) B. - =—
11 via %3 i et s
+ + + - + —~
C.x =Y =z ) D.x =7 =2 )
1 1 _4 2 2 _8

@ Cau 69. Trong khong gian Oxyz, dudng thang di qua diém A (1;4;-7) va vudng géc véi mét
phang x +2y -2z -3 =0 ¢6 phuong trinh la

A.x—lzy—4:z—7‘ B.x+1:y+4:z—r
L2 oLy

x—-1 y—-4 =z+ x-1 y-4 =z+
C. = = . D. = = .
1 -2 -2 1 2 -2

@ Cau 70. Trong khong gian Oxyz duong thang (A)di qua 2 diém A(2;1;3) va B(1;-2;1)c
phuong trinh la

x—-2 y-1 z-3 x+1 y-2 z+1
A. A: = = . B. A: —_ — .
“ o v si3 ~ Lo 31 233
x+ y+ z+ x— y— z-
C. (A): = = . D. (A): = =
(A): =7 3 2 (A): =7 3 2
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@ Cau 71. Trong khong gian Oxyz, cho diém A (2; —3; 5) ¢6 hinh chiéu vuéng géc trén céc truc
Ox, Oy, Oz la B, C, D. Goi H la truc tam tam giac BCD. Phuong trinh chinh tac cta duong

thang OH la
*r_ Y _Z B. X_Y _Z2 c. X_2Y_Z2 p. -2 _Z2
15 10 ' 2 -3 5 10 15 6 15 -10 6’

@ Cau 72. Trong khéng gian Oxyz, dudng thang di qua diém A(3;0;—-4) va c6 véc to chi

phuong u (5;1;-2) ¢6 phuong trinh::
A B3y 2zt g Etd_y _zrd o .
5 1 -2 5 1 -2 5 1 -2 5

x-3 y z+4 x—-3 y z—-4
1 1

@ Cau 73. Cho dudng théng d di qua diém A(1;2;3) va vudng géc véi mat phing (a): 4x +
3y7z+1=0. Phuong trinh tham so caa d la

x=-1+8¢ x=-1+4¢ x=1+3t x=1+4¢
A. {y=-2+6¢ . B. { y=-2+3t. C. {y=2-4¢. D. { y=2+3t.
z=-3-14¢ z2=-3-Tt z2=3-"Tt z2=3-Tt

@ Cau 74. Cho duong thang A di qua diém M (2;0;—1) va ¢6 vectd chi phuong @ = (4;-6;2).
Phuong trinh tham s6 cia dudng thing A 1a

x=-2+2¢ x=2+2t x=-2+4t x=4+2t
A. {y=-3t . B. {y=-3¢t . C. {y=-6t . D. { y=-3¢
z=1+t z=—-1+¢ z=1+2¢ z=2+t
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@ Cau 75. Trong khong gian Oxyz, duong thing di qua diém A (3;—1;2) va vudng géc véi mét
phang (P):x+y—3z—-5=0 c6 phuong trinh la:
A d.x—3_y+1_z—2

B.d:x+1:y+1:z—3

L 11_ _33. 33 - 22‘

x— y— z+ x+ y— z+

C. d: = = ) D. d: = = }
3 —1 2 1 1 _3

A . 2 -1 1 -3 . 2 R . s
@ Cau 76. Cho duong thang d : ad 5 = yro_z 5 Puong thang nao sau day song song véi

d? -
x—2 y z-1 x—2 y z-1
A. A: === . B. A: === .
-2 1 -2 2 1 -2
C. A x-3 y+2 z-5 D A'9c+1_z_z—1
L] _2 - 1 - _2 . . . _ - 1 - _2 .

@ Cau 77. Phuong trinh nao sau day 1a phuong trinh chinh tic cta dudng théng di qua hai
diém A (1;2;-3) va B(3; -1;1)?
A x-3 y+1 =z-1

B x-1 y-2 z+3
11 22 —33' ) 31_ —12_ 13'
x+ y+ z- x— y- z+
Co - = . D. = = .
2 -3 4 2 -3 4

(4 Cfi/u 78. Trong khong gian Yéi hé toa do Oxyz, cho M (-1;2;0) Véomét phing (a):2x—3z-5=
0. Viet phuong trinh duong thang qua M va vuong goéc véi mat phang («)?
x=2-t x=1+2¢ x=-1-2¢ x=-1+2¢
A. { y=-3+2¢. B. {y=-2 . C. {y=2 . D. {y=2-3¢t .
z=-5 z=-3t z=3t z=-b¢

[525] Suu tam va bién soan



3. PHUONG TRINH DUONG THANG TRONG KHONG GIAN W GV: Doan Thinh

@ Cau 79. Trong khéng gian véi hé toa d6 Oxyz, cho duong thang A di qua diémA (1;2;3) va
vudng goc v6i mat phang 4x+3y—7z+1=0. Phuong trinh tham so cia duong thang A la

x=1+3t x=-1+8t¢ x=-1+4¢ x=1+4¢
A. {y=2-4¢. B. {y=-2+6¢ . C. {y=—-2+3t. D. { y=2+3t.
z2=3-Tt z=-3-14¢ z=-3-Tt z2=3-Tt

@ Cau 80. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A (1;-2;-3),B(—1;4;1) va duong
2 + 2 - 2 + 3 . A < < N 2 .
thang d : rre_ Y = ? g Phuong trinh nao dudi day la phuong trinh duong thang di qua

trung diém ctia doan thang AB va song song véi d?

A g ity l ozl B.q:.X-Y"2_2*2
1 1—1 12 1 —11 21
- + - +
C.d:Z=X--2"_ D.g.f-Y 20
1 -1 1 1 2

@ Cau 81. Cho dudng théng A di qua diém M (2;0;-1) va c6 mot vecto chi phuong @ = (4;-6;2).
Phuong trinh tham so ctia duong thang A la.

x=-2+4¢ x=-2+2t x=2+2t x=4+2t
A. {y=-6t . B. {y=-3t . C. {y=-3t . D. { y=-3¢
z=1+2¢ z=1+t¢ z=—-1+t z=2+t

5 -1 -2 -
@ Cau 82. Trong khong gian Oxyz, cho dudng thang (d): ad 5 = Y 3 = 3 1 z. Mot véc to chi
phuong cua (d) la:
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A. (1;2;3). B. (2;3;4). C. (-1;-2;-3). D. (-2;-3;4).

@ Cau 83. Trong khéng gian véi hé toa d6 Oxyz, viét phuong trinh ctia dudng thang d di qua
hai diém E (9;-8;8) va F (-10;6;8).

x=9-19¢ x=-10-19¢

A. d:{y=-8+14t (teR). B. d:{y=6+14t (teR).
z2=8+t z=8
x=-10-19¢ x=9-19¢

C. d:{y=6+14t (teR). D. d:{y=-8+14t(teR).
z=8+t z=0

@ Cau 84. Trong hé toa d6 Oxyz, phuong trinh dudng théng qua gbc toa dd, vudng géc véi
mat phang (P):2xy3z+2=0 la

x=-2-—4¢ x =2t x =2t x=2+2t
A. {y=1+2t . B. {y=1-¢. C. {y=-t. D. {y=-t¢
z=3+6¢t z=-3t z=3t z=-3t

@ Cau 85. Cho duong thang Adi qua diém M (2;0;-1) va c6 vec-td chi phuong @ = (4;-6;2).
Phuong trinh tham so0 ctia duong thang A 1a.

x=-2+4¢ x=2+2t x=-2+2t x=4+2t
A. {y=-6t . B. {y=-3¢t . C. {y=-3t . D. { y=-3¢
z2=1+2¢ z=—-1+t¢ z=1+t¢ z2=2+t
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@ Cau 86. Trong khong gian Oxyz, cho diém M (1; 1; 2) va mat phang (P):2x—y+3z+1=0
Puong thang di qua diém Mva vudng géc véi mat phang (P) c6 phuong trinh la
x+2 y-1 z+3 x-2 y+1 z-3

A. = . B.
Loyl 22 t1 yi1 zre
C. x-1_y-1_=z- . D. x+1_y+1 _z+ .
2 -1 3 2 -1 3

@ Cau 87. Phuong trinh chinh tic cua dudng thing di qua diém M (1;-1;2) va vudng géc véi
mat phang (B):2x+y+32-19=01a

x—1 y+1 2z-2 x-1 y-1 2z-2

A. = ) B.
21 2 L3 20 ,i L3,
+ - + - + —
C.x =7 =z ) D.x =7 =2 .
2 1 3 2 1 3

@ Cau 88. Trong khéng gian Oxyz, duong thang di qua hai diém A(2;-1;3), B(4;2;-2)cé
phuong trinh:

x+4 y+2 z-2 x+2 y-1 z+3

A. AB: ) B. AB: = ;
2 9 3 1 —53 2 9 3 1 —53

C. AB: 2 2_Y*-_27° D. AB: 22 YT _Z27°
2 3 5 2 -1 -3

@ Cau 89. Trong khéng gian véi hé toa do Oxyz, cho mat phang (P):x—2y+z—1=0 va diém
M (1;1;2). Puong thang d di qua M va vuong goc véi mat phang (P) c6 phuong trinh la

A.d:x+1:y+1:z+2' B.d:x—lzy—lzz—2
T oA L
— + —_— — — —
C.d:x :y :z . D.d:x :y :z .
1 1 2 1 1 2
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@ Cau 90. Trong khong gian véi hé toa d6 Oxyz, cho tam gidc ABC véi A (1; —3; 4), B(-2; —5;
C (6; —3; —1). Phuong trinh duong trung tuyén AM cta tam giac la

x=1+t¢ x=1+¢

A {y:—3—t,(t€[R€). B. {y=-1-3¢, (teR).
z=4-8t z2=8-4t
x=1+3t x=1-3t

C +y2—3+4t,(t€[}%). D. { y=-3-2t, (teR).
z=4—-t Tzz4—11t

_7)7

A A . 4. N A .2 N N 2 - 1
@ Cau 91. Trong khong gian véi hé toa d6 Oxyz, cho diém A (2;1;3) va duong thang d’: o
Yy

3
— 2 2,
. % Goi d la duong thang di qua A va song song d’. Phuong trinh nao sau day khong
phai 1a phuong trinh duong thang d?

x=2+3t x=—-4+3t x=-1+3t x=5-3t
A. {y=1+¢ . B. {y=-1+¢ . C. {y=t . D.{y=2-¢ .
z=3+t¢t z2=2+t z2=2+t z=4—-¢

@ Cau 92. Phuong trinh téng quét cta (a) qua A(2;-1;4),B(3;2;-1) va vudng géc véi mit
phang (B):x+y+2z-3=0la.

A. 11x+7y—-2z-21=0. B. 11x+7y+2z+21=0.

C. 11x-7y-2z-21=0. D. 11x-7y+2z+21=0.
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@ Cau 93. Trong khong gian Oxyz, dudng thang di qua diém M (1;1;2) va vudng géc véi mét
phang (P):x—2y+ 3z +4 =0c6 phuong trinh la

x=1-¢ x=1+t¢ x=1+t¢ x=1+¢
A. {y=1-2t. B. {y=1-2¢. C. {y=1-2¢. D. {y=-2+t¢.
z2=2+3t z2=2+3t z2=2-3t z2=3+2t

@ Cau 94. Trong khéng gian véi hé toa d6 Oxyz, dudng thang A di quaA (2;—1;2) va nhan
% (-1;2;-1) lam vecto chi phuong ¢6 phuong trinh chinh tac la:
x-1 y+2 z-1 x+1 y-2 z+1

A. A . B. A: = .
o 4 L2, 2o A 23
+ — + - + -
C. A XrT2_Y-2_272 D. A X2 YT _ 274
1 2 1 1 2 1

@ Cau 95. Trong khong gian véi hé toa d6 Oxyz, cho duong thang A di qua diém M (1;2;3) va
vubng goc vii (a):4x+ 3y — 7z +1=0. Phuong trinh tham so6 cia duong thang A la

x=-1+4¢ x=1+3t x=1+4¢ x=—-1+8¢
A. { y=-2+3t. B. { y=2-4¢. C. {y=2+3t. D. { y=-2+6t¢t.
z=-3-Tt z=3-"Tt z2=3-Tt z=-3-14¢

@ Cau 96. Trong khéng gian véi hé toa d6 Oxyz, cho diém A (1; 2; 3) va mat phang (P): 4x +
3y —T7z+1=0. Tim phuong trinh cta duong thang di qua A va vudéng goc véi (P).
x-1 y-2 z-3 x+1 y+2 z+3

A. ) B. .
1 yio 239 0,30

C. x+1l _y+2 _ z+ . p, ¥-1_»-2_=2-3
8 6  —14 4 3 7
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@ Cau 97. Trong khong gian véi hé toa do Oxyz, phuong trinh nao duéi day la phuong trinh
tham so6 cia dudng thang di qua hai diém A (1;0;1) va B(3;2;-1).

x=3+¢ x=1-¢ x=2+t x=1+¢
A. {y=2-t teR. B.<{y=-t ,teR. C.{y=2+t ,teR. D.<y=1+t ,teR.
z=-1-t¢ z=1+t¢ z=-2—-t¢ z=-1-¢

@ Cau 98. Trong khéng gian Oxyz, phudng trinh nao duéi day 1a phuong trinh dudng thang
di qua diém A (1;2;0) va vudéng géc v6i mit phang (P):2x+y—-3z-5=0.

x=1+2t x=3+2t x=1+2¢ x=3+2t
A. {y=2-1¢ . B. {y=3+¢t . C. {y=2+t . D. {y=3+t .
z=-3t z=-3-3t z=23t z2=3-3t

@ Cau 99. Trong khong gian véi hé toa do6 Oxyz, cho duong thang A di qua diém M (2;0;-1)
va c6 vecto chi phuong @ = (4;-6;2). Phuong trinh tham so6 ctia A 1a

x=-2+2¢ x=4+2t x=2+2t x=-2+4¢t
A. {y=-3t . B. { y=-6-3t. C. {y=-3t . D. { y=-6¢
z=1+t¢ z2=2+t z=—-1+t¢ z=1+2¢

@ Cau 100. Trong khong gian véi hé toa do Oxyz, cho mat phang (P) c¢6 phuong trinh la
2x+y—5z+6=0. Viét phuong trinh dudng thang d di qua diém M (1;-2;7) biét d vudéng géc véi
(P).

-1 -2 - -1 2 -
A.d:x _y _Zz 7 B.d'x :y+ _z 7

2 1 -5 T2 1 -5
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:x—2:y—1:z+5 D.d:x+1:y—2:z+?

C.d .
1 -2 7 2 -1 -5

@ Cau 101. Trong khéng gian véi hé truc toa do Oxyz,phudng trinh dudng thang di qua diém
A(3;1;—-4) va c6 vecto chi phuong @ =(1;3;-2) 1a

x+3 y+1 z-4 x—-1 y-3 z+2

A‘ - . Bo —_ .
3 ) 11 i3 Fto
- - + + + —
C. X =Y =z ) D. X =7 =z .
1 3 —9 3 1 —4

@ Cau 102. Trong khong gian véi hé truc Oxyz, cho tam gidc ABC c6 A(-1;3;2), B(2;0;5) va

C(0;-2;1). Phuong trinh trung tuyén AM cta tam giac ABC la.
x—1 y+3 z+2 x+1 y-3 z-2

A. = = . B. = = .
21 —% 12 —% —a —%
. - - - - -
C. x = y = z . D. x = y = z
2 —4 1 -1 3 2

@ Cau 103. Trong khéng gian véi hé toa d6 Oxyz, lap phuong trinh duong thang di qua diém
A (0; —1; 3) va vuong goc véi mat phang (P): x+3y—1=0.

x=t x=1 x=t x=t
A. {y=-1+2¢. B. {y=3-t. C. {y=-1+3t. D. { y=-1+3t.
z2=3+2t z=3 z=3-t z=3
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@ Cau 104. Trong khong gian véi hé toa do Oxyz, cho tam giac ABC c6 A(-1;3;2),B(2;0;5),C (0;-2;1
Viet phuong trinh duong trung tuyén AM cua tam giac ABC.
x+1 y-3 z-2 x—2 y+4 z+1

A. AM: = . B. AM: .
21 —% 12 l1 —% 32

C. AM: 2= YT _EF . D. AM:- 2 - -2" _ 2T .
-2 4 -1 2 -4 1

@ Cau 105. Trong khong gian véi hé toa d6 Oxyz, viét phuong trinh dudng thang A di qua
diém A (2; —1; 3) va vudng géc véi mit phang (P):y+3=0.

x=1 x=2 x=2 Xx=2+t
A. A:{y=1-¢. B. A:{y=-1+¢. C. A:{y=1+t. D. A:{y=-1+¢.
z=3 z=3 z=3 z=3

@ Cau 106. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A (1;2;-3), B(-2;3;1) duong
thang di qua A (1;2;-3) va song song vdi OB c6 phudng trinh la

x=1-2¢ x=1-4¢ x=1-2¢ x=-2+t
A. { y=2+3t. B. y=2-6t. C. { y=2+3t. D. { y=3+2¢.
z=-3+t z=-3+2t z=-3-t¢ z=1-3¢

@ Cau 107. Trong khéng gian Oxyz, dudng thang chia truc Oy c6 phuong trinh tham s6 1a

x=0 x=0 x=t x=0
A. {y=1. B. {y=t. C. {y=0. D. {y=0.
z=t z=0 z=0 z=t
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x=1+2¢
@ Cau 108. Cho dudng thang d :{ y = -3 +¢ (¢ € R). Khi d6 phuong trinh chinh téc caa d la:
z=4-1
x+1 y-3 z+4 x-1 y+3 z-4
22_ i3_ =y . 22_ 11_ oy
c. 1 2_Yr2_Z79 p Iz Y -_2"°
2 -1 1

1 -3 4

@ Cau 109. Trong khéng gian Oxyz, dudng thing d di qua gbc toa d6 O va c6 vecto chi phudng
% =(1;2;3) ¢6 phuong trinh:
x=0 x=—t x=1 x=t
A. d:{y=2t. B. d =-2t C. d:{y=2. D. d:{y=3t.
z=3t z=-3t z=3 z=2t

@ Cau 110. Trong khong gian véi hé toa do Oxyz, cho hai diém A(3;2;2), B(4;—1;0) Viét
phuong trinh dudng thang A qua hai diém A va B
x=1+3t x=1+4t

x=3+4t x=3—-t
A. A:{y=-3+2t. B. A:{y=-3-t. C. A:{y=2-1¢ . D. A:{y=2+3t.
z2=-2+2t z=-2 z=2 z2=2+2t

@ Cau 111. Cho dudng thang d di qua diém A (1;4;-7) va vudng géc véi méit phing (a): x +
2y — 2z — 3 = 0. Phuong trinh chinh tac cia duong thang d la
A d.x—l _y—4 z+7

-1 +7
. B.d:~ :y+4:2 .
21 24 ! 7 41 4 27
- - + - - +
C.g: 1 - *_ 270 ) e R A i
1 2 2 1 2 2
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~ ~ . < 2 -1 +1 +2
@ Cau 112. Trong khéng gian Oxyz, cho ba duong thang d; : x2 = % = 2—1; dg : xT =
-1 +3 -2 +5 < 2 . g < . <
y—2:§;d3:x 3 . 2 =2 . Puong thang song song véi dg, cat d; va dg ¢6 phuong trinh
la
A x—lzl:z+1. B. x+1:y—3:i. C. x—1:y—3:i D. x 12122—1
-3 —4 8 -3 -4 8 -3 -4 8 -3 —4 8

@ Cau 113. Trong khong gian Oxyz, cho diém A(3;1;-5), hai mét phang (P): x—y+z—-4=0va
(Q): 2x+y+z+4=0. Viét phuong trinh dudng thang A di qua A déng thoi A song song véi hai
mat phang (P) va ().

A.A:x—3:y—1:z+5. B.A:x+3:y+1:z—5.
23 4 55 23 4 35
- = + - = +

C.A:x =Y _Z ) D.A:x =Y =z .
2 1 -3 -2 -1 3

@ Cau 114. Trong khong gian Oxyz, cho mét phang (P) : 2x+3y+2z+2 =0 va (Q) : x—3y+2z+1 =
0. Phuong trinh duong thang di qua goc toa do O va song song véi hai mat phang (P), (@) la
x y z X z x z x y z

A A B. —=2-Z% C.2=2-2% D. —=Y-Z%
9 -12 -2 12 -2 -9 9 12 -2 12 2 -9

" " . e 1A . N 2 1 -1 -2
@ Cau 115. Trong khong gian véi hé toa dé Oxyz cho dudng thang (d): x; =7 = Z 3

mat phang (P):x—y—z—1=0. Viét pt dudng thang (A) di qua diém A (1;1;-2), biét (A)//(P) va
(A) cat d.

va
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x—1 y-1 2z+2 x-1 y-1 z+2

= ) B.
1 -1 -1 2 1 3
x—1 y-1 2z+2 D x-1 y-1 2z+2
8 3 5 211
x=1-t
@ Cau 116. Trong khong gian Oxyz, cho dudng thang d : { y =2+ ¢ va mit phang (P) :x—2y+
z=2t
z+6=0. Phuong trinh dudng thang qua diém M (0;2;-1) cit d va song song vdi (P) la.
x= x=1-t x=1+2¢ x=1-¢
A. {y=2 . B. {y=2t . C. {y=2-3t. D. {y=2
z=—-1-t z=—-1-t z=1-t z=1-t
N ~ . P ~ < 2 x—3 y—- 3 V4 o
@ Cau 117. Trong khong gian véi hé truc Oxyz, choduong thang (d) : =—— = =—— = =, mét

1 3 2
phéng (P):x+y—2z+3=0va diémA (1;2;-1). Dudng thealng (A) diqua A, cat (d) va song song
v6i mat phang (P) c6 phuong trinh:
x—1 y-2 x+1

x—-1 y-2 x+1

A. . B. =
12 L 12 1
— p— + p— —

c.l Y= 272 p. I --Y 2 xr .
1 2 1 1 2 1

: 1 -1 -2
@ Cau 118. Trong khong gian Oxyz, cho duong thang d : x;r p4 = z
(P):x—y—z—-1=0. Phuong trinh dudng thang A di qua A(1;1;-2), song song véi mat phang
(P) va vuong goc véi duong thang d la
x+1 y+1 2z-2

va mat phing

x-1 y-1 z+2

A. A = = . B. A: = =
A2 22 LT
+ + — — —

C.A:x =Y =z . D.A:x =Y _ET ;
2 5 _3 2 5 _3
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. 1 y—1 2z-
@ Cau 119. Chodubngthéngd;x; :yl _2

trinh chinh tic cia dudng thing di qua diém M (1; 1; —2) song song véi (P) va vudng géc véi d
la

2 2
va mat phang (P):x—y—-z-1=0. Phuong

x+1 y-2 2z+45 x-1 y-1 z+2

A. = . B. .
Ayt aes 0 21 301 A
c. ==2-222 ) AL A e
2 1 3 2 1 3
o 2 2
@ Cau 120. Trong khong gian toa do Oxyz, cho diém M (1;-3; 4), dudng thang d : % =
y—-5 z-2

=1 va mat phang (P): 2x +z —2 = 0. Viét phuong trinh dudng thang A qua M vudng
go6c vii d va song song véi (P).

x-1 y+3 z-4 x-1 y+3 z-4

A. A: = = . B. A: = = .
1 yi3 224 Lo A

C.A X -_Yre_27% D. AT YT 272
1 -1 -2 1 1 —9

@ Cau 121. Trong khéng gian Oxyz, duong thing di qua diém M (1;1;2) va vudng géc v6i mit
phang (P):x -2y + 3z +4 = 0c6 phuong trinh la

x=1+¢ x=1+¢ x=1-t¢ x=1+¢
A. {y=1-2¢. B. {y=-2+¢t. C. {y=1-2¢. D. {y=1-2¢.
z2=2-3t z2=3+2¢t z2=2+3t z=2+3t
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@ Cau 122. Trong khéng gian Oxyz, duong thang di qua diém A (1;4;-7) va vudng géc véi

mét phang x + 2y — 2z — 3 = 0 ¢6 phuong trinh 1a
x+1 y+4 z-7

A, x—1:y—4:z+7' . _ .
1 2 -9 1 4 -7

C x—1 y-4 2z+47 x-1 y-4 z-7

1 -2 -2 1 2 -2

@ Cau 123. Trong khong gian véi hé toa d6 Oxyz, cho mét cau (S): x2+y%+22—2x+4y+2z-3 =0,
mat phang (P):x+y+2z+4 =0. Viet phuong trinh duong thang (d) tiep xtuc v6i mat cau (S) tai

A(3;-1;-3) va song song véi (P).
A.d:x—43:y+1:z+3. B.d:x—43:y+1:z+3
C.d:x—3:y+1:z+3. D.d:x—3:y+1:z+3'

0 6 -1 -4 6 3

@ Cau 124. Trong khong gian véi hé toa do Oxyz, cho A(1;-4;0),B(3;0;0). Viét phuong trinh
duong trung truc (A) cia doan AB biét (A) nam trong mat phang (a):x+y+2z=0.

x=2+2t x=2+2t x=2+2t x=2+2t
A. A:{y=-2-t. B. A:{y=-2-1¢. C. A:{y=2-¢t . D. A:{y=-2-¢.
z=1 z=—t z=-—t z=0

au 125. Trong khong gian véi hé toa doOxyz, cho diém A (1;2;3) va hai dudng thang d; :

eC
-2 +2 -3 -1 -1 +1 _ ., N N 2 . ~
xz 4 1 :zl ;dz!x 1 :y2 :Zl . Viet phuong trinh duong thang d di qua A, vuong
goc véi dq va cat ds.
A x+1:y—2:z—3' B. x—lzy—2:z—3.
LT S t1 o2 23
c. 1= YR _ZT . D. ro_YT _2°
1 -3 5 -1 -3 5
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8 -2 +2 -1 -1 +1
@ Cau 126. Cho 2 duong thing d; : xT - y—l —2-3;dy: > == y2 - % — VA ALi29).
Puong thing qua A vudng géc d1,cat ds ¢6 phuong trinh 14 :
x—1 y-2 2z-3 x—1 y—-2 2z-3
A. = = . B. = = .
LN P LAV
c.l Y2 279 p. I Y2z _27°
1 -3 -5 -1 -3 -5
. -2 +3
@ Cau 127. Trong khong gian Oxy, = yT =
z-1 , x+1 y =z . . e aA s . R 2 . e
T d': T =35 Phuong trinh nao duéi day la phuong trinh duosng thang di qua diém
M, cit d va vudng géc véi d'?
x=1+3t x=-1+4+3¢ x=-1-7T¢ x=-1+4+3¢
A. {y=1-¢t . B. {y=1+¢t . C.{y=1+7t . D.{y=1-¢
z2=2 z=2 z2=2+Tt 2=2
x+1
@ Cau 128. Trong khéng gian véi hé toa do Oxyz, cho diém A (1;2;3) va dudng thang d : —5 =
% -2 G01 A la duong thang di qua diém A, vudng géc véi dudng thang d va cat truc hoanh.
Tim t vectd chi phuong % ctia dudng thang A.

A. ©=(1;-2;0). B. ¥ =(1;0; 1). C. ©=(2;2;3). D. @ =(0;2; 1).
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@ Cau 129. Trong khong gian véi hé toa d6 Oxyz, cho diém M(2;1;0) va duong thing A :
+1 ‘% N ” N 2 . .0 S, s A . L
YT F vidt phuong trinh cua duong thang d di qua diém M, cat va vudong goc véi

2 1 -1
A 2 1 2 1
A d: 222222 B.d: - ==2"-_2
12 —%_ 1 12 41 1
C.d: X ==2"-_% D.d: 2 ==2"--2%
2 —4 1 1 —4 -2
9 0 3 x=1-¢
A . < 2 - + - N - R
@ Cau 130. Cho hai duong thangd; : x2 =Y T = Z 1 ; do i y=1+2¢t va diém A(1;2;3)
z=—-1+t

Puong thang A di qua A, vudéng géc véi di va cat dg c6 phuong trinh 1.
x-1 y-2 2z-3 x-1 y-2 2z-3

A. . B. =
T 1 3 b

c.l Y2 %279 p. I Y2 277
1 -3 -5 1 38 -5

-2 y+2 2z-3

@ Cau 131. Trong khéng gian Oxyz, cho hai dudng thing d; : x2 il il va dg :
x=1-¢
y=1+2t. Pudng thang A di qua diém A (1;2;3), vudng géc véi d; va cat dg c6 phuong trinh
z=-1+1
la
x-1 y-2 z-3 B x-1 y-2 2z-3
—H"—%"—%' ) 11_ 32_ 55
c.l-_rY=_%27° prl-_Y=_2"°
1 3 -5 1 -3 -5

0 2 1
@ Cau 132. Trong khong gian véi hé toa do Oxy, cho diém A (1;2;3) va duong thang d : % =

Suu tam va bién soan




3. PHUONG TRINH DUONG THANG TRONG KHONG GIAN ¥ GV: Doan Thinh

—_ 3 L 2 2 . N 2 S
Y272 Vit phuong trinh duong thang A di qua diém A, vudng goéc véi duong thang d va

1 -2

cit truc Ox.
A x—lzy—2:z—3- B. x+1:y+2:z+3.
22 22 33 22 22 33
- - - + + +
c. 1z Y =2_%279 p Irz_ryre_z279
1 2 3 1 2 3
2 2 3 x=1
A . < 2 - + - < . Q0
@ Cau 133. Cho hai duong thang d; : x2 =Y = Zl ;do:{ y=1+2t va diem A(1;2;3).
z=-1+1

Puong thing A di qua A, vudng géc véi dq va cit do ¢6 phuong trinh la.

A, x—1:y—2:z—3. B. x—lzy—2:z—3.
1 1—3 1—5 11 32 —53

+ j— j— — —
c.Z=-1--Z2° p. -2 =27
2 1 1 -1 -3 -5

: - 1 -2 1
@ Cau 134. Trong khéng gian Oxyz, cho ba dudng thang d : ad 2 3 = y; = 2_2 , (d2): x; =

+4 +3 -2 2 .
Yy 2 rre _JYo2_Z DPuong thang song song ds, cat d; va ds ¢6 phuong trinh

2 1 valds): —=="7"=
a 3 1 2 1 4
Y L A B. 2T -_Y _27%
BT 2 s y311 9o
C, X — :l:z-’- . D, X — :y+ :Z— .
4 -1 6 4 1 6

@ Cau 135. Trong khéng gian véi hé toa d6 Oxyz, cho diém M (2;1;0) va dudng thang d ¢

-1 +1 5 ) e R
phuong trinh d : ad 5 = yT = il Phuong trinh cua duong thang A di qua diém M, cat va

vuéng géc véi duong thang d 1a:
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A Y2_ZyAl 2 g *2_y-1_=z
—32 —4{ -2 12 —41 -2
c. /2.y -_=2 p.r2_Y -_2
-1 —4 2 -1 -3 2

-4 + 2
@ Cau 136. Trong khéng gian Oxyz, cho diém A (1;-1;3) va hai duong thang d1 -yt 1
-1 -2 +1 -1 .- R . 2 . . R L.
Z—z, ds: X = Y = ? T Viéet phuong trinh duong thang d di qua diém A, vuoéng goc vii
duong thang d; va cat duong thang ds
-1 1 - -1 1 -
A.d:x _yrl_z 3. B.d:x Y2 3.
21 yi1 223 21 471 23
C.g: 1~V 2_%27° D. g2 -V 2%
-2 2 3 4 1 4

@ Cau 137. Trong khong gian véi hé toa d6 Oxyz, cho diém A(1;-1;3) va hai dudng thang.

-4 +2 -1 -2 +1 -1« N . 2 . .0
dlle :y4 -2 5 ,dg:xl =7 1 :21 Viéet phuong trinh dudng thang d di qua diém A,
vudng géc véi dudng thang d; va cat duong thang do.

-1 1 - -1 1 -
A.d:x _yr1_2 3. B.d:x _YrL_Z 3.

1 yi1 23 2,3 23
C.qg: 1 Y 2_%27° D. g1 -2 _2°

4 1 4 2 1 3

@ Cau 138. Trong khong gian Oxyz, dusng thang di qua diém M (1;2;2), song song véi mét
x—1 y—-2 z-3

phang (P):x—y+z+3=0 dong thoi cat duong thang d : c6 phuong trinh

_ 1 1 1
la
x=1-¢ x=1-t x=1+¢ x=1
A. {y=2+t¢. B. {y=2-¢. C. {y=2-t. D. {y=2-
z=3 z=3-t z=3 z=2
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¢ Cau 139. Trong khéng gian Oxyz, Cho mat phéng (R): x+y—2z+2 =0 va dudng thangA :
g = % °- Dubng thang Ay nam trong mat phang (R) déng thoi cat va vuéng géc véi duong
thang

Aq co phuong trinh la

x=2+t x=2+3t x=t x=t
y=1-t. B. {y=1-¢ . C. {y=-3t. D. {y=-2¢.
2=t z=t z=1-1¢ z=1+1¢
2 _1 - 1 2
@ Cau 140. Trong khong gian Oxyz, cho dudng thang (d): ad = y—l = g va mat phang

(P):x+3y+z =0. Puong thang (A) di qua M (1;1;2), song song véi mét phang (P) dong thoi cat
duong thang (d) c6 phudng trinh la

A, x+2:y+1:z—6' B. x—lzy—lzz—Z.
Loyt 22 3,31 2le
J— — —_ — + J—

c.l oY -_=2"2 p I 2_Yr-_27°
1 -1 2 1 -1 2

@ Cau 141. Trong khong gian Oxyz, dudng thang di qua diém M (1;2;2), song song véi mat
x—1 y—-2 z-3

phang (P):x—y+z+3 =0 dong thdi cat duong thang d : ST T c6 phudng trinh
la
x=1-t¢ x=1-¢ x=1-t x=1+t¢
A. {y=2+t¢. B. {y=2-¢. C. {y=2-¢ D. {y=2-1¢.
z=3 z=2 z=3-t z=3
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@ Cau 142. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P):x+y—z +9 =0, dudng

2 - 3 - 3 . R - A < < 2 . . 0
thang d : ad = yT = g va diém A (1;2;-1). Viet phuong trinh duong thang A di qua diém A
cat d va song song véi mat phing (P).

x—-1 y-2 2z+1

x—-1 y-2 =z+1

A‘ - . Bo —_ .
L% L2y A
x— y— z x— y— z
C. = = } D. = =
1 2 1 _1 2 1

-2 y+1 z+5
2 N / 3 - 1 - _1
(P):2x—3y+2z—-6=0.DPuong thang A nam trong (P) cat va vuoéng goc véi d c6 phuong trinh
x+8 y+1 2z-7 x+4 y+1 z+5

@ Cau 143. Trong khéng gian Oxyz, cho dudng thang d : i va mit phang

= . B.
2, 5 11 2, 1, L
— p— + p— — —
c. 2. - 270 p. I =_Y*°_2°°
2 5 11 2 5 11

x-1 'y z-2
: . ) 1 -1
(P):2x—y—-2z+1=0. Puong thang nam trong (P), cat va vuoéng goéc véi d c6 phuong trinh
la:

@ Cau 144. Trong khong gian Oxyz, cho duong thang d : va mat phang

x—1 y+1 z-1 B x+2 y-1 z+3
32_ il_ 13' . 32_ 41_ 13
i i — + J—
c.l =Y - 272 p. I =Y -_27°
3 4 -1 3 4 1

@ Cau 145. Trong khong gian véi hé toa d6 Oxyz, cho dudng thang A nam trong mét phang
; . . . -2 y-2 2z-1
(@):x+y+2z-3=0, dong thoi di qua diem M (1;2;0) va cat du(‘)ngthélngd:x2 :y1 :23

Mot véc to chi phuong cua A la
A. ¥ =(1;1;,-2). B. ¥ =(1;-1;-2). C. v=(1;-2;1). D. ¥ =(1;0;-1).
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@ Cau 146. Trong khong gian Oxyz, cho diém A (1; 2; —1), dudng thing d c6 phudng trinh
x 3

-3 - « . 2 , N N 2 .
= yT -2 mat phang (a) c6 phuong trinh x +y—2z+3 = 0. Puong thang = (2) di qua
diém A, cat d va song song véi mat phang (a) c6 phuong trinh 1a

x—1 y-2 z+1 x—1 y—-2 z+1
A. = = . B, = = .

. R
C. X = Y = Z . D. * = Y = Z

1 2 1 1 2 1

@ Cau 147. Trong khéng gian véi hé toa d6 Oxyz. Cho mat phang (P):2x—y+z —10 =0, diém

x=-24+2t
A(1;3;2) va duong thing d:{ y=1+¢ . Tim phudng trinh duong thing A cat (P) va d lan
z=1-t
lugt tai hai diém M va N sao cho A 14 trung diém canh MN.
x—6 y—-1 2z+3 x+6 y+1 z-3
A. = = . B, = = .
T6 yi1 243 16 yi1 273
- - ¥ + + -
c. 12 Y ~_Z27° p X2 _Yr-_z27°
7 —4 -1 7 4 -1

3 =z

@ Cau 148. Trong khong gian véi hé truc toa d6 Oxyz, cho dudng thang d: ;
mét phang (a): x+y—-2z+3 =0 va diém A (1;2;-1). Viét phuong trinh dudng thang A di qua

cat d va song song véi mit phang ().

x=3 y

27
A

A.x—lzy—2:z+1. B.x—lzy—2:z+y
1 1 —22 —11 —11 22 —11
- - + - - +

c. Y2 272 p Y2 =272
1 2 1 -1 -2 1

Suu tam va bién soan



3. PHUONG TRINH DUONG THANG TRONG KHONG GIAN W GV: Doan Thinh

A N . - R N . N 2 - 1
@ Cau 149. Trong khong gian Oxyz, cho diém M(1;-1;3) va hai dudng thang d : ad =
- 1 - 1 - 1 .« A N 2 . N < 2 . N
y__l = 2_1 vad' : ;—C = _12 _Z T C6 bao nhiéu duong thang di qua M va cat ca hai duong
théng d va d'.
A 1 B. 0. C. Vo sb. D. 2.
~ « . e 1A « N 2 x y-1 z+4+2 |
@ Cau 150. Trong khong gian véi hé toa d6 Oxyz, cho hai dudng thang d; : 5= -7 Va

x=-1+2¢
ds:{y=1+t .Phuong trinh dudng thang vuéng géc véi (P):7x+y—4z =0 va cat hai dusng
z=3
ﬂﬁngdbdgb
x—2:z:z+1 B x+2:l:z—1 C. x—2:z:z+1. D. x—7:z:z+4
1 4 2 1 1

A. . . .
7 1 -4 -7 -1 4 7

@ Cau 151. Trong khong gian véi hé toa d6 Descartes Oxyz, cho diém M (0; —1; 2)va hai
-1 2 -3 1 -4 -2 .
o yrez ET2 Y22 T Phuong tronh duong thang di

dudng thang d : :
nerhang GriTyTm e T T Ty iy T
qua M, cat cad; vads la
A L _yFl_zt3 B Y_ytl_z-2
99 8 3 -3 4
2 el zo2 1 2
+ - + -
c.z=2--2"°% D. = =Y--2"%
9 -9 16 9~ 9 16
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@ Cau 152. Trong khong gian véi hé toa d6 Oxyz, phuong trinh ctia dudng théng d di qua
diém A (1; 2; —5) va vudng géc v6i mit phang (P):2x+3y—-4z+5=01a

x=2+t x=1+2t¢ x=1+2¢ x=2+t
A. d:{y=3+2¢t . B. d:{y=2+3t . C. d:{y=2+3t . D. d:{ y=3+2t.
z=-4-5¢ z=-5+4¢ z=-5—-4¢ z2=4+5¢

@ Cau 153. Trong khong gian véi hé toa d6 Oxyz, cho diém A(0;1;-1) va duong thang d :
3 - 1 - 3 2 2 2 ,
I A T Viéet phuong trinh duong thang A di qua diém A, vuong goéc va cat duong

4 -1
thang d.
A i:y_—1:z+1- B. X :y—1:z+1.
13 281 —2% -13 2{3 210
— + - +
c. 2-Y -_2"2 p. LY -_Z2"2
13 28 20 13 -28 20

@ Cau 154. Trong khéng gian véi hé toa d6 Oxyz, cho diém M (0; 2; 0) va dudng thang d :
x=4+3t
y=2+¢ .Puong thang di qua M, cat va vudéng géc véi d c¢6 phuong trinh 1a

z=—-1+t
x y—-2

. : 2. e I==X-Z2 A
2 1012 1 -1 -2 1 1 2

@ Cau 155. Trong khong gian véi hé toa d6 Oxyz, cho diém A(1;0;2) va dudng thang d c6

-1 +1 .4 . R 2 . A Ly
phuong trinh 2~ = % =2 g Viét phuong trinh duong thang A di qua A, vudng goéc va cat
X
d.
-1 -2 - ~2
Y A B. AT —=2-27%
1 1 -1 1 1
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C.oailoy 22 D il 22
1 -3 1 2 1 1
@ Cau 156. Trong khéng gian Oxyz, cho diém M (2;1;0) va dusng thang A c¢6 phuong trinh
x—1 y-1 =z .4 N N 2 . TR N PPN
A —~ =1 =7 Viét phuong trinh duong thang d di qua M, cat va vuéng goc véi duong
théng A.
x— y—1 =z x—2 y-1 =z
A.di—=—-=—., B. d: =—=—
1 9 —41 1 2 9 —41 1
x-2 y-1 =z x—-2 y- z
C.d:—=2=21"-:-Z D.d:—~-=1"-=-2
1 4 1 1 -4 -2

@ Cau 157. Trong khéng gian véi hé toa d6 Oxyz cho diém A(1;0;2) va duong thang d cé
x—1 vy z+1

phuong trinh: < =71 . Viét phuong trinh duong thang A di qua A, vudng géc va cat

1
d- 1 2 1 2
x— y z- x— y z-
A AN:— === . B. A: === .
11 1 12 11 1 —12
X — y zZ— X — y z—
C.A:—=== . D. A: == .
2 1 1 1 -3 1
x=1+t¢
@ Cau 158. Trong khong gian véi hé truc Oxyz, cho dudng thang A: { y=2+¢ . Pudng thang
z=13-1t

d di qua A (0;1;-1) cit va vudng géc véi dudng thing A. Phuong trinh nao duéi day 1a phuong
trinh cua duong thang d?

x=t x=t x=t x=0
A. {y=1+¢ . B. {y=1-¢. C.{y=1 . D. {y=1+¢ .
z=-1+2¢ z=-1 z=—1+t z=—1+1¢
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@ Cau 159. Trong khéng gian véi hé toa d6 Oxyz, cho diém A(1;0;2) va duong thang d :

=1+t
y=t . Phuong trinh dudng thang A di qua A, vudng géc va cit dudng thang d 1a
z=-1+2t
AnETL oY 272 B. Al Y 272
11 1 —12 21 4 —32
C.anl ==L 22 D. AT ==Y 222
1 -3 1 1 3 -2
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