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z,+z,=2z +z, 75y = I |Zl|.|Z2| :|zl.z2|
B PR 2|
Z,
|Z]'ZZ|2=(ZI'ZZ)'(Zl'Zz) j—i=% Re(z):Z;Z,Im(z):Z;Z
|z|=|z:| |z~ z| |z | +]z| | |a]-|z|<]z + 2] <|a] 42| _|Z|S{Re(z)’ Im(z)}£|z|

45 CAU TRAC NGHIEM + 5 CAU VI DU MINH HOA

Cau 1. Cho s8 phiic z=a+bi thda man didu kién \zz +4\ =2|z|. Pat P=8(h’-a’)-12.
Ménh dé nao dudi day diung?
A P=(2-2)". B. P=(| -4

2 2

C. P=(|2|-4)". D. P=(|2 -2)
(THPT DANG THUC HUA - NGHE AN)

Loi gidi
Cach 1. bat z=a+bi (a,b € ]R) =z =a"-b*+2abi=z"+4=a" —b* +4+2abi.
Khi d6, gid thiét |2* +4|=2|z| & (o> ~b* +4) +4a°b* =4(a* +7)
& 8(b—a*)=16-4(a* +b%)+(a* +5*)

:>P=(a2+b2)2—4(a2+b2)+4:|z|4—4|z|2+4:(|z|2—2)2.

Cach 2. Tt gié thiét, ta co |22 +4 =(2[]) & (2 +4)(2% +4)=4|f =422
© 2 +42° +47° +16=42F o (2Z) —4zZ+4=-12-4(F+7)

2
& (22-2) =-12-4(7+F) & -12-4(22+7) = (| -2) (1),

bat z:a+bi—>E:a—bi:>ZZ+72:2(a2—b2) (2)

Tt (1),(2) suy ra P=8(b*~a’)-12=(|2f —2)2. Chon D.

y ) area 2001 1
Cau 2. Cho cac s6 phtic z, #0, z, #0 thoa mén diéu kién —+—= .
z, z, z+z,

4 Z
Bt Y 8

Z

Tinh gié tri cia biéu thic P =

Z,
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AL B. 2. C. 2. D. ﬂ.
2 2
(THPT PANGTHUC HUA - NGHE AN)
Lai gidi
Céchl.Tacég-i-i: ! <:>Zl+222: ! <:>(Zl+222)(zl+22)zzlz2.
z, z, ZzZ %tz z,z, z,+z,
2
<:>(zl)2+2.zlzz+2.(zz)2:Oc[ij +2( j+2 0L =i—1 hosic L =—1—i.
Z, Z Z Z
Khi dé P ="+ =|i-1|+ =|i—1|+#:\/§+i:£.
Z,| |z |z—l| V22
2 1 1 1-i
Cach2 Chon z =i= ot —=— =z =-— i:\/i:spzi Chon D.
l 22 l+Z2 22
R . . lz—(3i+1)2 2 e 26. .
Cau 3. Cho s6 phtic z#0 thoa man o :|z| . S0 phitc w:?zz c6 modun la
+1
A. 9. B. \/26. C. 6. D. 5.
(THPT PHAM HONG THAI - HA NOI)
Ldi gidi

bat z:x+yi(x,ye]R) khi d6 gia thiét <:>z(x+yz) (3 1)(x yz) (1+i)(x2+y2).
<:>xi—y—3xi—3y—x+yi=—x—4y+(y—2x)i:x +y +(x +y )i.

—x—-4y=x"+y" (1
:{x y=x+y" (1)

.Lay (1)—(2), ta dugc —x—4y—(-2x+y)=0< x=5y.
—2x+y=x"+y" (2) Ay (1)=(2), ta duge —x—dy~(=2x+) x=35y

y=0=>x=0
Thé x =5y vao phuong trinh (1),ta c6 26y’ =-9y & 9 45.
R T T

Vay Z=x+yi=—£—ii:>|w|= éz(—ﬁ—izj —|1 51|— 26. Chon C.

9

Cau 4. Cho s6 phiic z théa man diéu kién |Z — 1| =+/2. Tim gi4 tri 16n nh&t cta biéu thic
=|Z+i|+|z—2—i|.
A. maxT =8/2. B. max 7 =4. C. max T =44/2. D. max T =8.
(THPT CHU VAN AN - HA NOI)

Ldi gii
bat z=x+yi (x,yeR), taco |Z—1|=\/§<:>|x—1+yi|:\/§<:>./(x—l)2+ 2 =\2
S(x-1)+y =2 -2x+l+y’ =2 +y" =2x+1 ()
Lai c6 T=|z+i|+|z—2—i|=‘x+(y+1)i‘+‘x—2+(y—l)i‘
=\/x2+(y—i-1)2+\/(x—2)2+(y—1)2 :\/x2+y2+2y+1+\/x2+y2—4x—2y+5
K&t hop véi (), ta duge T =2x+2y+2+/6-2x—2y = [2(x+y)+2+,/2-2(x+)
Dat r=x+y,khidé T = f(t)=~2t+2+v6-2¢ véi te[-L1].
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| |
J2e+2 Je—-21

Taco f'(t) f'(t)=0=t=1= f(r). =f(1)=4.ChonB.

Cau 5. Tim moédun cta sb phtic z biét z—4 = (1+i)|z|—(4+3z)i.
A |o=1. B. ||=4. C. |=2. D, |z|:%.
(SO GD&DT NAM DINH)

Loi giai
Céch 1. Tl gid thiét, ta c6 z—4 =|z|+i|z|—4i—3zi < z(1+3i) =|z| + 4+ (|z|-4)i (%)

Lay modun hai vé caa (*), ta duge ‘Z(1+3i)‘ = “Z| +4+(|Z|—4)i‘
S [e 43 = ([ +4) +(]=4) (510 = (|| +4) +(l-4)
& 10|z = (2| +4) +(|z|-4)" = 8|2 =32 < |2[ =4 =2 =2. Chon C.

(1+46)|2|—4i+4
1+3i

Cach 2. Ta bién doi z—4=(1+i)|z|-(4+3z)i <z =

Thti 1an lugt véi cac dap an, ta thay
1+i—-4i+4 5-3i 2 9. V85 .
— = - = :>|Z|=—¢l (loai).
1+3i 1+3i 55 5

. |Z|:1—>Z:

4(1+7)—-4i+4
PR | A S ‘:E—Ei:>|z|:4m¢l (loai).
1+3i 1+3i 5 5 5
2(1+i)—-4i+4 —
o |z|:2—>z: ( l) i :6 21:—2i:>|z|=2(chc_)n).
1+3i 1+3i
Cau 6. Cho s phte 2 #0 sao cho z khong phii 12 s6 thuie va w=- 14 s6 thyc. Tinh
+z
e r ]
gia tri bieu thic ———.
1+|z|
A. l B. l C.2. D. l
5 2 3
(THPT CHUYEN QUOC HQC - HUE)
Lai gidi
Céach 1. Tu duy nhanh. w 1a s6 thuc — 1 14 s6 thuc — Z+l 14 s6 thuc.
w z
x4 il | _ 2 |Z| 1
Ma de thay z+Zz la s6 thuc nén z =—c:>z.z:lc>|z| :lc>|z|:1:> > =—.
z l+|z| 2
Céch 2. Ta c6 bién d6i — = ~ < z+2Z7'=7+2.2 ©z-2=(z-2Z)zZ
I+z° 1+z
z—z=0 _ ’ |Z|
= s czz=le|] =1= —=—.
zz =1 1+|Z| 2
. 1 2 |Z| 1
Cach 3. Chon w=——=—<(z-1) =0 z=1=|z|]=1=>—"-=—. ChonB.
1+z° 2 1+|Z| 2
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Cau 7. Xét s6 phiic z va s6 phic lién hop ciia né c6 diém biéu dién 1a M,M'. S8 phiic
z(4+3i) va s6 phtc lién hgp ciia né c6 diém biéu dién lan lugt 1a N,N'. Biét ring
M,M',N,N' 1a bén dinh ctia hinh chi nhat. Tim gia tri nho nhat cta |z +4i—3|

1 2 1 4
A —. B. —. C. —. D. ——.
2 J5 2 J13
(THPT CHUYEN LAO CAI)
Loi giai

N(4x—3y;3x+4y)

N'(4x—3y;—3x—4y)

D& thdy MM '|| NN' vi ciing vudng géc v6i Ox nén dé MM 'N'N 1a hinh chit nhat.
MM'= NN'

Khi va chi khi MN:M'N':>x+y:0:z:x—xi:|z+4i—5|:\/(x—5)2+(x—4)2
MN || Ox

Goi M(x;y)—)M'(x;—y) va (4+3i)Z:4x—3y+(3x+4y)i:>{

1

Ta c6 (x—5)2+(x—4)2 :%(2x—9)2+52%:>|z+4i—5mm :%. Chon C.
. |Z|2 z—1
Cau 8. Tinh médun cua s6 phtc z, biét —+iz+?20.
z —i
A 2. B.ﬁ. C.l. D.l.
3 3 9

(THPT YEN MO A - NINH BINH)

Loi giai

2 .

X ol — 2 — |Z| T A R A .=

De thay Z.Z:|Z| &< z =——, khi d6 gia thiét <Z>ZZ+Z+?=O<Z>ZZ+Z+
z —1

(1+i)(z—i):0
2

S 2z42Z+z—i+iz—i’ =0 (3i+1)z+Z=i-1 (¥

bat z=x+yi (x,ye]R) suyra z =x—yi, do do (*)<:>(3i+1)(x+yi)+x—yi:i—l.

. L - {3x=0 =0
S3xi-3y+x+yi+x—yi=i—-1<2x-3y+3xi=i-1= & 1.
2x-3y=-1 y=—
3
. i i 1
Vay Z=—:>|z|: —|=—. Chon C.
3 3
A N1 9 - . V10  NTA PN A 3
Cau 9. Xét s0 phtic z thoa méan (1+21)|Z|:——2+1.Menh dé nao sau day dung?
z
A.§<|z|<2. B.l<|z|<§. C. |z|>2. D.|z|<l.
2 2 2 2
(THPT NHAN CHINH - HA NOI)
Loi giai
Céch 1. Tit gia thiét, ta c6 (1+2i)|z|=—“10 —2+i@(1+2i)|z|+2—i:—”10
z z
e+ 2li+2-i =Y o g+ 24 (2] -1)i =222 (x)
z z

Khong quan trong ban la ai, nhitng gi ban lam sé dinh nghia con nguoi ban — Ntd1995




o

Lay modun hai vé caa (*), ta duac <:>\/ |z|+2 2|Z| 1) = | |
z

Dt 1 =]z, ta 6 (t+2) +(2t-1)’ =@<:>t2(5t2+5)=10©t4+t2—2=0©t=1.

o a1 N 1 3
Vay moédun cua s6 phtic z bang 1 = ) < |z| < >

Cach 2. St dung may tinh casio ( huéng dan chi tiét 6 cAu 26) dé tim |z|
Cach 3. bat z=a+bi (a,b € ]R) va c= |z| , thay vao ddng thiic da cho thi

(a—bi)x/m

10
Gt (1+20)ce = 2+i&(1+20)c= -2+
( Z)C a+bi 1 ( l)C cz 1
a\/_ ( b\/_ ]
2¢+
C C
aJ10 a10
c— = +2=0 c+2= = . . 10(a2+b2) 10
Suy ra m = /o nén (¢c+2) +(1-2¢) =——F=—
C C
20+b 10—I:O 1—20=b 10
C C

1
Giairatacé c=x1 ma ¢>0 nén c=1 hay |z|:1.Dod() §<|z|<%. Chon B.

z+—|=3.Tong cua gia tri 16n nhat va gia tri nho nhat

z

Cau 10. Cho s6 phtic z thdéa méan

2 ~
cua |Z| la

A. 3. B. /5. C. 13. D. 5.

(TOAN HOQC & TUOI TRE LAN 8)

Loi giai
’ e ()
Tacéba=z+—|<a =iz+—| =|z+—||z2+—
z z z z
BN 1 N I IR A -
|Z| |Z|2 |Z|
2
Khi dé |z|4—|z|2.(a2+2)+1=—(z+2)2go:>|z|{‘“+Vz" +4;a+\/;2+4 .

2 [ 2
Vay max|z|=w; min|z|:wZ>M+m:\/a2 +4 =413, Chon C.

2

Cau 11. Xét s6 phiic z thoa man 2|z —1|+3]z—4 <2v/2 . Ménh dé nao duéi day ding?

A 2 << B. |>2. C. |z <. D. Lopg<2.
2 2 2 2

(TOAN HOC & TUOI TRE LAN 8)

L3 gidi
Céach 1. St dung bat ding thic s6 phic, ta c6 |u+v| > |u|+|v| > |u—v|.
Khi d6 242 22|z = 1|+3|z 1| =2(|z = 1|+ [z —i]) +|z —i| 2 2|z = 1= (2 =1)| +|z — 1]
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=2|i—1|+|z—i|:2x/§+|z—i|<:>|z—i|S0:>Z=i:>|z|:1.

Cach 2. St dung hinh hoc, gia st diém z =x+ yi (x,y € R) c6 diém biéu dién la M (x;y).
S6 phtic z—1 ¢6 diém biéu dién 1a A(x—l;y), z—i c6 diém biéu dién 1a B(x;y—l).
Tac6 2|z—1[+3]z—i|<2v2 & 2.04+3.0B<2.4B (1) vi AB=(;~1)= AB=+2.

Mit khac 2.04+3.0B=2.(0O4+0B)+0B>2.AB+0B (2)

Tit (1),(2) suy ra 2.ABZ2.AB+OB<:>OB£0:>OB=0:>OEB(O;O):>{X I

Vay médun cta s8 phtic z 1a |z|=|i|=1. Chon D.

Cau 12. Cho s6 phtic z thoa mén ‘zz —2z+5‘ :‘(z—l+2i)(z+3i—1)‘.
Tinh min | w|, v6i s6 phtic w=z—-2+2i.
A. min|w|:%. B. min|w|=2. C. min|w|=1. D. min|w|:%.

(THPT CHUYEN LUONG THE VINH - PONG NAT)

L3i gidi
Tacé z* —2z+5=(z-1) +4=(z-1) —(2i) =(z-1+2i)(z-1-2i).
=1-2i
Khi d6, gia thiét <:>‘(z—1+2i)(z—1—2i)‘:‘(z—1+2i)(z+3i—1)‘<:>LZ | 2’,| a3
z—=1-2i|=|z+3i—
THL. V6i z=1-2i,tacé w=z-2+2i=1-2i-2+2i=-1=|u|=1.

TH2. V6i |z—1-2i|=|z+3i-1| (*), dat z=x+yi (x,yeR), taco

(*)@‘x—1+(y—2)i‘:‘x—1+(y+3)i‘©(x—l)2 Jr(y—2)2 :(x—l)2 —|r(y+3)2 @y:—%,

1 /
Do d6 w=z—2+2i=x—§i—2+2i=x—2+%i:>|w|= (x—2)2+%2%. Chon A.

Cau 13. Cho s6 phtic z théa man |Z| =1. Tim gia tri 16n nh4t cia biéu thic
T =|z+1]+2|z-1|.

A. max T =24/5. B. max T =24/10. C. max T =34/5. D. max T =3+/2.
(THPT CHUYEN NGOAI NGU - HA NOI)
Loi giai
Céchl.GQiz:x+yi(x,yeR):>M(x;y). Y

M y)

Va A(-10),B(1;0). Taco |z]=1=|x+yi| =1 x* +)* =1. ]
= M thudc duong tron duong kinh AB .
= MA* + MB* = AB* = 4. Khi 6, theo Bunhiacopxki, ta c6 A B

T:MA+2MBs\/(12+22)(MA2+M32):@zzﬁ !j T

Vay gi4 tri 16n nhat cta bidu thic max 7 =2+/5. Chon A.

Cach 2. Dat z=x+yi (x,ye]R):>|z—i-1|=«/(x—i—1)2+y2 va |z—1|=\/(x—1)2 +y7.

Mat khac |z| =1 \/x* +y* =1 x* + »* =1, khi d¢
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T=\/(x+1)2 +y° +2\/(x—1)2+y2
s\/(l2 +22)|:(x+1)2+y2+(x—1)2+y2}
= /10(x2+y2+1) =102 =25 = max T = 2+/5.

Cau 14. Cho z,, z, 14 hai s¢ phtic théa man [2z—i|=[2+iz|, biét |z, —z,|=1. Tinh gia tri

ctia biéu thitc P = |Z1 + zz| .

A.P:?. B. P=+2. C.P:%. D. P=+/3.
(THPT THANH CHUGNG I - NGHE AN)
Loi gidi

bat z=x+yi (x,ye]R), ta co |2z—i|:|2+iz|<:>‘2x+(2y—1)i‘=|2—y+xi|

S A +(2y -1 =4J(2=y) +x> o 4ax* +4y —dy+1=4—4y+17 +x°
Jaxt +(2y-1) y y -4y y+y

Sx+y =1 |z| =1= |Z1| = |zz| =1. St dung coéng thiic (chiing minh 6 cau 16)

|Z1 +Zz|2 +|zl —zz|2 22(|Zl|2 +|Zz|2):>|z1 +Zz|=\/2(|21|2 +|22|2)—|Z1 —Zz|2 =/3. Chon D.

Cau 15. Cho ba s6 phtic z,;z,;z, théa man diéu kién |Zl| =|Zz| =|Z3| =1va z,+z,+2,=0.
Tinh gia tri biéu thic A=z +z; +z; .
A 1. B. 0. C. -1. D.1+i.

(THPT CHUYEN BIEN HOA - HA NAM)

Lai giai
Tacéb A=z +z,+2; = (Zl +z, +Z3)2 —2(2122 +2z,z, +Z3zl) = —2(2122 +2z,z, +Z3zl)
=-222,z, (i+i+lJ =-2z2,z, (m-i-@—i-@J =—2z,2,2, (El +z, +E3)
IS RS 4 n 5

Mat khac z,+z,+2z;,=0=7z +2,+z, =0 suyra 4=0. Chon B.

Cau 16. V6i hai s6 phtic z, va z, théa mén z, +z, =8+6i va |Z1 —Zz| =2. Tim gia tri 16n

nhat cia P=|z|+|z,|.

A. P=5+35. B. P=2426. C. P=44/6. D. P=34+32.
(THPT CHUYEN KHOA HQC TU NHIEN - LAN 4)
Loi gidi

@ B8 dé. Cho hai s phtic z, va z,, taluén cé |z, +22|2 +|z, —22|2 = 2(|zl |2 +|Zz|2) ().

Chiing minh. Stt dung cong thc |Z1 +z, |2 =(z, + Zz)(Z_l-i-Z) va zz= |Z|2. Khi d6
|z, + 2, +]|z,— 2| =(z, +zz)(z_1+2)+(z1 —zz)(z_l—Z)

=z.z,tz.z, v 2.2, v 2,2, + 2.2, — 2,.Z, — 2.2, + Z,.Z,

=2(z2+2,2,) =2(|5[ +[2.[ ) > dpem.

& Ap dung (*), ta duge |Z1 +Zz|2 +|z1 —zz|2 =4:>|ZI—ZZ|2 :4—(\/5)2 =1:>|Z1 —Zz|=1.
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Theo b4t dédng thtic Bunhiacopxki, ta duge P = |Zl|+|Zz| < ,[2(|Zl |2 + |22|2) = 2./26. Chon B.

Cau 17. Cho P(z)la mot da thic véi hé s6 thuc. Néu s6 phiic z théa mén P(z)=0 thi

A. P(|z])=o0. B. P(ljzo. C. P(ij:o. D. P(z)=0.

z z

(THPT CHUYEN TiNH HA NAM)

Loi giai
=1+2i
Chon ham s6 P(z)=z"—-2z+5. Phuong trinh P(z):0<:>zz—22+5=0c>{z . 21'
z=1-2i

Xét véi s6 phtic z=1+2i, taco
o |d=[1+2] =5 suyra P(d)=|f ~2J/+5=(5) ~25 +5=10-2V5 0.

1 1 1 2. 1 I 2 112 16 .
o —= -=———isuyra P| — |=———+5=—+—i#0.
z 142 5 5 z) z¥ z 25 25
o é: ! :l+%i suyra P é :—Lz_% 5=£—Ei¢0.
z 1-2i 5 5 z z° z 25 25
e z=1-2isuyra P(E)zfz—22+5:(1—2i)2—2(1—2i)+5:O. Chon D.

) \ 2z—i .
Cau 18. Cho s3 phiic z théa mén |z|<1. Dat A= 22 _ Mé¢nh dé nao sau day ding?
+iz

A |4<1. B. |4|>1. C. |4|<1. D. |4]>1.

(THPT CHUYEN HA NAM)

Lai giai
Tu gia thiét, ta co6 4= iz_'l S A(2+iz)=2z-i <24+ Azi=2z—i
+iz
2A+i A+i

.Ma [z|<1= 2,
Ai—

Dat A=x+yi (x,y eR), khi d6 (*) < [2x+(2y+1)i|<|-y =2+ xi

c>2A+i=z(Ai—2)©z:

5 <le24+i|<|4i-2| (*).

Ai—

<:>\/4x2—i-(2y-1-1)2 S\/(y+2)2+x2 SAX+4Y +4y+1< X+ Y +4y+4 o X+ <1
Vay médun ctia 4 =+/x>+»* <1. Chon A.

- 9 2 .0 Fi "
Cau 19. Cho s6 phtic z thoa man |z| =§ va diém A trong hinh ﬁ
vé bén 12 diém biéu dién cta z . Biét ring trong hinh vé bén, diém
2 X P ’ , 1 N N ~ R Y
biéu dién cua s6 phtic w=— la mot trong bon diém M, N, P, A\
1z A = :___—.-l,l_
0. Khi d6 diém biéu dién cia s6 phiic w 1a A= -
A. diém Q. B. diém M .
C. diém N . D. diém P.
(THPT CHUYEN DH VINH LAN 1)
pl
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bat z=x+yi (x,y>0),khidc’> |Z|=\/x2—i-y2 =%<:>x2+yzzévé x>y (hinh vé)

Ta c6 w=l:—i:_ Eo__ i(x— i) _ ytu

iz z x+yi_ (x+yi)(x—yi)_ x*+y°

=-2y—-2xi

Vi x,y >0 nén diém biéu dién s6 phiic w 1a (—2y;—2x) déu c6 hoanh do, tung d6 am.

Dong thoi x>y < -2y>-2x=x, <y, <0 va |w| =2Jx* +)’ Z\/§=2|Z|
Dua vao hinh vé, diém P chinh 1a diém cAn tim vi diém N tuy théa man x, <y <0
nhung d6 dai ON x&p xi bang d6 dai O4. Chon D.

Cau 20. Cho s6 phuc z=x+ yi (x,ye R) thoa man |z—6+8i| =5 va c6 médun nhé nhat.
Tinh téng x+ y.
A x+y=-3. B. x+y=-1. C. x+y=1. D.x+y=2.

(SO GD&DT QUANG NAM)

Loi giai
Dua vao vi du, ta phat trién dang toAn Min — Max s8 phtic nhu sau

Tap hop cac diém M(Z) théa man diéu kién ‘z—(a+bi)‘ =R (R > O) 1a duong tron (C)
c6 tam I(a;b) va ban kinh R.

Chiing minh. Goi z=x+ yi, (x,yeR).
Theo gid thiét |z —(a+bi)|=R < |(x—a)+(y-b)i|=R.

<:>\/(x—a)2 Jr(y—b)2 =R <::>(x—a)2 Jr(y—b)2 =R’
Vay tap hdp cac diém M(Z) 1a duong tron (C) c6 tam I(a;b) va ban kinh R.

Vi du 21. Trong cac s6 phtic z théa man diéu kién |Z— 2 —4i| = \/g Tim max|z| .

A. rnax|z| =35, B. max|z| =3. C. max|z| =45. D. max|z| =13.
Huéng dan giai.

Tap hop cac diém M(Z) la duong tron (C) c6 tAm 1(2;4) va ban kinh R=+/5.

Vay max|z| = OM = Ol + R =~/2* +4* +/5 =35 . Chon A. "

* Hoi them:
a) Tim min|z|.
min|z|=ON =0l -R=+2" +4’ —/5=4/5.

b) Tim s6 phtic z ¢6 médun 16n nhat, nhé nhat.
Phuong trinh dudng thing O 1a y =2x.
Toa d6 hai diém M , N 1a nghiém cta hé phuong trinh

y=2x - y=2x - x=1 [x=3 :
(x=2) +(y—4) =5 |58 -20x+15=0  [y=2" |y=6

S6 phtic z ¢6 mbédun 16n nhat 14 z=3+6i tuong tGng véi diém M (3; 6) .

\ &

S6 phtic z ¢6 médun nhé nhat 1a z=142i tuong tng véi diém N(I;Z).
Vi du 22. Trong cac s6 phtic z théa man diéu kién |Z—5i| <3. Néu s6 phiic z ¢6 moédun

nhoé nhat thi phin ao bang bao nhiéu?
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A. 0. B. 3. C. 2. D. 4.

Huéng din giai. “
Tap hop cac diém M (z) 1a hinh tron (C) tam 7(0;5) i .
va ban kinh R=3.
S6 phtic z ¢6 médun nhé nhét 1a z=2i tGng véi diém N(O;2). | o
Chon C. '

Téng quat. Trong cac s6 phic z thda man |z —zl| =7 (rl > O) . Tim gia tri 16n nhat va gia

tri nho nhat cua P= |Z—Zz|.

Goi I(z,); N(z,) va M(z). Tinh IN=|21—22|=r2.
Khi d6, max P=NM, =1, +r, va minP=NM, =|r, —n,|.

v A

Ap dung.
Caul. (THPT CHUYEN KHTN — LAN 1) Trong c4c s6 phtic z thdéa méan diéu kién
|(1+7)z+1-7i| =+/2. Tim max|z|.

A max|z|=4. B. max|z|=3. C. max|z|=7. D. max|z|=6.
Huéng dan giai.
Ta c6 ‘(1+i)z+1—7i‘:\/§<:>|l+i|z+11_+7_l =2 o]z (3+4i)=1.
1

Vi ‘(3+4i)—0‘:5 nén max|z|=r1+r2 =1+5=6. Chon D.

Cau 2. Tim gi4 tri 16n nhat caa |Z| biét rang z thoéa man diéu kién _32 _23'1. z+ 1‘ =1.
—2i
A max|z|=1. B. max|z|=2. C. max|z|=\/§. D. max|z|=3.
Huéng dén giai.
Ta c6 |~ _2?fiz+1 =1@|—iz+1|=1@|—i|.z+i, =le|z—(-i)|=1.
Y —i

Vi ‘(—i)—O‘:l nén max|z|=r+r =1+1=2. Chon B.

Cau 3. Trong cac s6 phtic z thdéa man diéu kién |Z—2—4i| :|z—2i|. Biét rang s6 phic
z=x+yi, (x,y €R) c6 moédun nhé nhat. Tinh P=x’ +)°.

A. P=10. B. P=8. C. P=16. D. P=26.
Huéng dén giai.
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Goi z=x+yi, (x,yeR).Ta cod |z—2—4i|:|z—2i|<:>‘(x—2)+(y—4)i‘:‘x+(y—2)i‘

Q\/(x—2)2+(y—4)2 =\/x2+(y—2)2 S X —4x+4+)y" -8y+16=x"+)y" -4y +4
& 4x+4y-16=0< y=4—-x.

Do d6 |z|= /X" +y* = x> +(4—x)" =v/2x> ~8x+16 =\[2(x—-2)" +8 222

Dau"="xayra <> x=2=y=2.Vay P=2>+2>=8. Chon B.

Cau4. (DE THTT LAN 5 - 2017) Cho s6 phic z théa méan |z—4|+|z+4|=10. Gia tri 16n

1an lugt 1a

nh4t va gia tri nho nhat cua |Z
A .10 va 4 B.5va4 C. 4 va3. D. 5 va 3.
Huéng dén giai.
Goi z=x+yi, (x,y €R). Theo gia thiét, ta c6 |z—4|+|z +4|=10.

<:>‘(x—4)+yi‘+‘(x+4)+yi‘:10<:>\/(x—4)2+y2 +\/(x+4)2 +37 =10 (*)

Goi M(x;y), F,(-4;0) va F,(4;0). ;

Khi d6 (*) < MF, + MF, =10 nén tap hop cac /‘\
diém M (z) 1a dudng elip (E). . ;

Tacoé c=4; 2a=10=a=5vab*=a*-c*=9. k/
Do d6, phuong trinh chinh tic cta (E) la ;—;4—%2 =1.

B'[|-3

Vay max|z|=04=04'=5 va min|z|= OB=0B'=3. Chon D.

Cau 5. Biét so phiic z=x+yi, (x,y€R) théa man déng thoi diéu kién |z —(3+4i)|=+/5

va biéu thic P=|z+2|" |z~ dat gia tri 16n nhat. Tinh |2.

A |7]=433. B. |z|=50. C. |2|=+10. D. |2|=52.

Huéng dan giai.
Tap hop cac diém M(z) l1a duong tron (C) c6 tAm ](3;4) va ban kinh R=+/5.
Taco P= ‘(x+2)+yi‘2 —‘x+(y—1)i‘2 :(x+2)2 +y° —[xz +(y—1)2]
=4x+2y+3<4x+2y+3-P=0 (A)
Ta tim P sao cho dudng thdng A va dudng tron (C) ¢6 diém chung < d([;A) <R
12+8+3-P|
o 1<523-P|<10 & -10<23-P<10 < 13< P<33.
J20

4x+2y-30=0 {xzs

(x=3) +(y-4y =5

Do d6 max P=33.D4au "=" xayra <:>{ 5
y==

Vay |z|=+/5* +5% =52 . Chon D.

Cau 23. Cho hai s6 phtic z,, z, thod man diéu kién |Zl| = |Zz| = |Z1 —Zz| =1.

2 2
Tinh gi tri ctia bidu thic P = (ij + (ij .

Z,
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A P=1-i. B. P=-1-i. C. P=-1. D. P=1+i.

(Sé GD&DT QUAN G NINH)
Loi giai
Tit gid thiét, ta c6 |z|=|z,|=|z, —z,|=1< Aloli =1,
Z |2
. 1
x2+y2=1 24v% =1 =5
bat wzﬁ:x-iryi(x,yeR),khidé - @{xZ y2 = 2
z (x=1)+y" =1 WHy=2x | N3
2
(1 iBY (1 i3Y
Khi d6 P=w+—=| ~+—~— | +| === | =—1. Chon C.
w 2 2 2 2

Cau 24. Tinh tich moédun cta tat ca cic s6 phtic z thoa méan |22—1| = ‘;+1+i , doéng thoi

diém biéu dién z trén mat phing toa do thudc dudng tron tam 7 (1; 1) , ban kinh R = \/g .

A 5. B. 3. C. 345. D. 1.
(SO GD&DT THANH HOA)

Loi gidi
gt z=x+ i (x,y €R), khi d6 [22— 1| = [z + 1+ < [2x -1+ 24 =[x+ 1= (y~1)
& (2x-1) +4y = (x+1) +(y-1) @3> +3y* —6x+2y-1=0 (1),
Ma diém bidu dién M € (C):(x—1)" +(y—1)’ =5 x* + )’ =2x-2y-3=0 (2).
Lay (1)—3.(2),tadmjc 3x° +3y* —6x+2y—1-3x" -3y +6x+6y+9=0= y=—1
Thé y =-1 vao phuong trinh (2), ta c6

x2—2x:0<:{x:0:>{zl:_i =l|allz|=|-il]2-1=5. Chen C.
x=2 Z,=2—i

Cau 25. Cho cac so phiic z,w théa man |Z+ 2—2i| = |Z—4i

,w=iz+1. Gia tri nho nhat cua
biéu thic [w| 1a
2

A X2 B. 2./2. C.2.

p. 32,
2 2

(THPT CHUYEN DH VINH - LAN 2)

Loi giai
bat z=a+bi (a,beR), khi d6 z+2—2i:a+2+(b—2)i va Z—4i=a+(b—4)i.
Nén ta c6 (a+2)2+(b—2)2 =c12+(b—4)2 Sa+b=2<b=2-a

Khi d6 w=iz+1:(a+bi)i+1:1—b+ai:>|w|:\/a2+(b—1)2 :\/a2+(a—1)2 .

= % Chon A.

M

2
Dé thdy a’ +(a—l)2 :Z(a—%) +%Z%:>|w|2g:>min

Cau 26. Goi z,, z, 1a hai nghiém ctia phuong trinh z* +z+1=0.
Tinh gia tri ctia biéu thic P =z>" + 2,

A. P=1. B. P=-1. C. P=0. D. P=2.
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(THPT CHUYEN KHOA HOC TU NHIEN - LAN 4) |

Loi giai

i3

Tacé z° +z+l—0c>z——§+—:>z =l=>z=1=>P=(z )2017+(22)2017=2. Chon D.

Cau 27. Cho s6 phitc z théa man (2+3i)z—(1+2i)z =7—i. Tim mbdun cta z.

A lZ|=+5. B. |z|=1. C.|7=+3. D. |o|=
(THPT CHUYEN KHOA HQC TU NHIEN - LAN 4)
Loi gidi

Cach 1.Dat z=a+bi (a,b € ]R) , khi d6 gia thiét tré thanh
Gt < (2+3i)(a+bi)—(1+2i)(a—bi)=
a-5b=17

<:>a—5b+(a+3b)i:7—i<:>
a+3b=-1

a=2
:>{ 1:>z:2—i:>|z|:

Cach 2. Xt Iy bang casio giong bai toan sau: Cho s6 phtic z— (2 + 31'); =1-9i. Tich phan

thuc va phan ao ciia s6 phtic z bang

A. 2. B. 1. C. 1. D. -2.
bat z=X+Yi—>z=X-Yi.Khidé W=X+Yi—(2+3i)(X—Yi)—1+9i:0 (*)
Thao tac trén may tinh Man hinh hién thi
An — (2 — Dua vé tinh s6 phtic. kL o il

B+Yi-(2+51 ) (A=Y

Nhap vé trai cia phuong trinh (*) )
X +Yi—(243i)(X - Yi)—1+ 9

Sau d6, gan gi4 tri X = 100, Y = 0,01. L @ Math &
Ko B0 OO E 60 @) R T e Rl
eaLe] — — il — 10105 29097 .
—&A—-0H00—-E3. 100 100
Khi d6 w = —%—M = —101,03 — 290, 971.
100 100

101,03 =100 +1-+ 0,03 = X +3Y +1
Mat khac, ta c6
290,97 =300—-9—-0,03 =3X —3Y -9

_ X+3y=-1 [x=2
:>w:—(X+3Y+1>—(3X—3Y—9>z:0@ Y v—s Cly—_1

Cau 28. C6 bao nhiéu s6 phiic z thoa man déng thdi diéu kién ‘zz +z|=2 va |Z| =27?

A 2. B. 4. C. 3. D. 1.
(THPT CHUYEN LAM SON - THANH HOA)
Loi giai

bat z=a+bi (a;be]R):Eza—bi:z.E:(a—bi)(a+bi)=a2+b2.
a2+b2+a+bi‘=2 {a2+b2:4 {a2+b2:4

Khi d6, gi4 thiét < | = : .
2 |(a+4) +b’=4

|a+bi|=2 |a+4+bi|:
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a’+b’ =4 2,224 )
= 5 et @{a = z=-2. Chon D.
(a+4) -a’=0 a=-2 b=0

Cau 29. Cho s6 phtic w va hai s6 thuyc a, b. Biét z, =w+2i va z, =2w-3 1a hai
nghiém phtc cta phuong trinh z° +az+b=0.Tinh T = |Z1 | + |Zz| .

A T=213. B.T:@. CT—2\/> D. T =413.

(THPT CHUYEN LE QUY DON - QUANG TR

Loi giai

) Z]=w+2i=m+(n+2)i
bat w=m+ni (m;neR): .
z, =2w=3=2m—-3+2ni

) . 3n+2=0 n=——
Ta c6 z,+2z, =3m—3+(3n+2)i=—a la s6 thuc = = 3.
3m-3=0 m=1

y 4 +
Laicé z,.z, =(m+§ij(2m—3+gij:b 1a s6 thuc :>§.(2m—3)—§m=0:>m=3.

297

Do d6 z, =3+%i; z, :3—§i:>T:|zl|+|zz|—— Chon B.

Cau 30. Cho s6 phiic z théa méan (z+1)(Z —2i) 12 mét s6 thudn 4o. Tap hgp diém biéu

dién s6 phtic z 14 mot dudng tron cé dién tich bang

A 5rx. B. 5—” C.S—”. D. 25r.
4 2
(THPT CHUYEN NGUYEN BINH KHIEM - QUANG NAM)

Loi giai
bat z=x+yi (x;yeR):(z+l)(E—2i):x2+y2+x+2y—(2x+y+2)i.
Theo gia thiét (z+1)(Z —2i) la s6 thuén do, suy ra
2x+y+2+#0
{x2+y2+x+2y:0

, 1, 5 1Y » 5
Sxxtoty +2y+1:Z<:> X+o +(y+1) =

|

.2 .2 X - , N A N N P LN ~ M 57[
= tap hgp diém biéu dién so phtic z la mot duong tron cé dién tich bang - Chon B.

. .2 .2 .x . . z—z L < o~ . N -
Cau 31. Goi M la diém biéu dién s6 phiic w= , trong d6 z la s6 phtc thoa man
z

(1 —i)(z + Zi) =2-i+3z.Goi N 1a diém trong mit phang sao cho (O—)C,W) =2, trong do

Q= (a, W) la gbc lugng giac tao thanh khi quay tia Ox téi vi tri tia OM . Diém N

nam trong géc phan tu nao?

A. Géc phan tu thi (7). B. Géc phan tu tht (1V).
C. Géc phén tu tht (1I1). D. Géc phan tu tht (11).
(THPT CHUYEN NGUYEN QUANG DIEU - DONG THAP)
Lai gidi

Tu gia thiét, ta c6 (1—i)(z+2i)=2—i+3zc>z+2i—iz+2=2—i+3z

Khong quan trong ban la ai, nhitng gi ban lam sé dinh nghia con nguoi ban — Ntd1995




. . 3 6. z—=Z+1 )
<:>(1+2)z=31<:>z=—+—1:>w= > Sy w=""1""j.
55 z 45 45

Sit dung 1y thuyét néu z = x+ yi — P(x; y) —>tang = L v6i @ la géc tao béi chiéu diong
X

truc hoanh voi vecto OM .

Khi d6 w=§—§i:> tan(/)=—§:> sin2(p=—ﬁ; cos2(p=—w,
45 45 33 4225 4225

Vay diém N thudc géc phan tu tht (V). Chon B.

Cau 32. Cho s6 phtic z théa man |Z— 2 —3i| =1. Gia tri 16n nhat cua ‘;+ 1 +i‘ l1a

A V13+2. B. 4. C. 6. D. V13 +1.
(THPT CHUYEN PHAN BOI CHAU - NGHE AN)
Loi giai

Dat z=a+bi (a.beR), tacé |z-2-3i|=1<|(a-2)+(b-3)i|=1.
o J(a=2) +(b-3) =1 (a=2) +(b=3) =1 (¥

. la=2=sint . C el = . .
Dit {b—3=cost (vi (%) <> sin® 1+cos’ £ =1). Khi d6 |2 +1+i]=|(a+1)+(1-b)4|.

= J(a+1)’ +(1-b)’ = xét bidu thiic P=(a+1)’+(1-b)’.
Ta cb (a+1)2 +(1—b)2 =(sint+3)2+(cost+2)2 =sin’t+6sint+9+cos’ t+4cost +4
:(sin2t+coszt)+l3+6sint+4cost

=14+6sint+4cost=P

Theo bat déng thitc Bunhiacopxki, ta duge (6sint +4cost)” < (6" +4° )(sin2 t+cos’ 1)

<::>(6sint+4cost)2 <2< 6sint+4costS\/572:2\/B:>PS14+2x/§.

Vay [z +1+i]=\(a+1) +(1-b) <y14+2J13 = (Vi3 +1) =13 +1. Chon A

Cau 33. C6 bao nhiéu s6 phtic z théa man |Z—i| =2 va z* 1a s6 thuén Ao.

A. 3. B. 1. C. 4. D. 2.
(THPT CHUYEN PHAN BOI CHAU - NGHE AN)
Loi gii

bat z=x+yi (x,y€R), khi d6 |z—i|=x/§©‘x+(y—l)i‘:x/§c>x2 +(y—1)2 =2 (*)

x’—y" =0 x=y#0
S
2xy #0 x=-y#0

+3

TH1. V6i x =y, thé vao (*), ta duge x’ +()c—1)2 :2©2x2—2x—1:0c>x=IT.

“1+3
R

P .\ 2 1N A A2 A
Ta c6 z° :(x+yz) =x" —y” +2xyi 1a s6 thudn 4o nén {

TH2. Véi x=—y, the vao (), ta duge x> +(x+1)’ =2 & 2x +2x~1=0 x =

Vay c6 4 s6 phtic théa man yéu ciu bai toan. Chon C.
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= l +£ . Tinh
Zl 22

Cau 34. Cho hai s6 phtic z,, z, théa man z,,z, #0; z,+z, #0 va

Zl-I—Z2

i

2

A.ﬂ. B.ﬁ. C. 243. D. 2.
2 2 NG

(THPT CHUYEN QUANG TRUNG)

gia tri cta biéu thic

Loi giai
NS ) I 2 1 2z, +z
T gia thiét, ta c6 =—+— = 2 ozz,=(22+2,)(z,+2,)
z,+z, z, z, z+z, @ z7z,

—n-2 2 2 2 _
&2z, =2z +2z2, v 22, vz, <> 2z, + 22z, + 2, =0.

2
cz(ﬁj +2(ij+1:o@i:_liij

Z, z, z, 2 2

Z

Zy

. Chon A.

V2
2

:‘__+_

Céau 35. Cho thoa man z € C thoa mén (2 +i)|z| = @+ 1-3i . Biét tap hop cac diém biéu
zZ
dién cho s6 phtic w=(3—-4i)z—1+2i la duong tron I, ban kinh R . Khi d6
A I(-,-2),R=~/5. B.I(1;2),R=+5.  C.I(~1;2),R=5. D. I(1;-2),R=5.
(THPT CHUYEN QUANG TRUNG)

Loi giai
Tu gia thiét, ta c6 (2+i)|z|—1+3i=@@(2|Z|_1)+(|Z|+3)i:@ (¥)
z z
L4y mo6dun hai vé (*), ta dugc \/(2|z|—1)2 +(|Z|+3)2 - \/T :>|Z| —1.

e
Lai c6 w=(3—4i)z—1+2i < w+1-2i=(3-4i)z < |w+1-2i| =|(3-4i) ]

< |w+1-2i|=|3-4i|.|z|=5|z|=5 = tap hop cac diém biéu dién cho s& phitc w 1a dudng
tron tAm /(—1;2) va bankinh R=5. Chon C.

Cau 36. Cho s0 phttc z théa man (z)[(3+4i)|z|-4+3i]-5v2 = 0. Gia tri cira || 1a

A 2. B. 2. C. 242 D. 1.
(THPT HA HUY TAP)

Loi giai

Cach1.Dbat z=x+yi (x,y € ]R) =z = x— yi, dya vao gia thiét tim nghiém x, y

Céch 2. Ta c6, gid thiét <> (3+4i)|z|-4+3i :ic (3]2]—4)+(4]z|+3)i N2
z

z

Ly modun hai v, ta duge (3[z|—4)" +(4]z|+3) =% ma |z| =|z|, khi 6
z
(3[2]-4) +(4]2]+3)’ == — dén day c6 thé gidi tryc tisp bing cach dat £ =|z]
z

Hod#c st dung may tinh casio bang viéc thi cac dap an, dé thay duge |z| =1.
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5V2 _5\2 @Z_(3+4i)|z|2+(3i—4)|z|
z |Z| - 52

Cach 3. Ta c6 bién d6i (3+4z |z| 4+3i=

Tht 1an lugt véi cac dap an, ta thay

(3+4i)4+(3i-4)2 22 +11\5i:|z|:m (loai).

. |Z|=2—>Z:

52 5
. |Z|:\/§_>Z:(3+4i).2+(3i—4).\/§ -4+3\/— 3+4J_ =3 o
52 5
. |Z|:2\/5_)Z:(3+4i).8+(3i—4).2x/§:>|z|:6 Goa.
542
. |z|—1:>|z| 2>z M——ﬁ 7\/71:>|Z|—1 (chon). Chon D.
52 10

Cau 37. Cho s6 phtic z théa méan diéu kién |Z—3 + 4i| <2. Trong mét phéng Oxy tap hop

diém biéu dién s6 phiic w=2z+1—i 14 hinh tron c6 dién tich bing

A S=9r. B. S=12x. C. S=16rx. D. S=25x.
(THPT TRAN HUNG DAO - NINH BINH)
Loi giai

Cach 1. bat w=x+yi (x,ye]R),ta cod x+yi:2Z+1—i<:>2Z:x—1+(y+1)i (1)
T gia thiét, ta thay ring |z-3+4i|<2 < [2|.|z-3+4i|<4 < 22-6+8i|<4  (2).
Tit (1),(2) suy ra \x—1+(y+1)i—6+8i\34@\x—7+(y+9)i\s4

o J(x=7) +(y+9) <4 (x=7) +(y+9) <16
Vay tap hop diém biéu dién s6 phiic w 1a hinh tron ban kinh R=4= S = zR* =167.

Ll NG Vil s L N SPPRRE SUP'Y

Cach 2. Taco w=2z+1-i<=

w—7+9i

W7o |z—3+4i|<:>|

w—7+9i

=z-3+4i @‘ <2 & |w-T7+9i<4.

= tap hop diém biéu dién s6 phuc w 1a hinh tron ban kinh R =4 = § =16x. Chon C.

Cau 38. Biét s6 phiic z =x+ yi, (a,b € R) théa méan diéu kién |z —2—4i|=|z-2i| ddng
thoi c6 médun nhé nhat. Tinh gia tri biéu thic M = x* + y°.

A. M =8. B. M =10. C. M =16. D. M =26.
(THPT CHUYEN VO NGUYEN GIAP - QUANG BINH)
Loi giai

bat z=x+yi (x,ye]R), ta co Z—2—4i:x—2+(y—4)i va Z—2i=x+(y—2)i.

Mat khac |Z—2—4i|=|z—2i| nén suy ra \/(x—2)2+(y—4)2 :\/xz+(y—2)2 .
S +y —4x-8y+20=x"+)'-4y+4d o x+y=4y=4—x

Khi d6 |z] = x> + y* = 2 +(4—x)" =2x* —8x+16 = [2(x—2)" +8 > 22.

Vay moédun nho nhit cua z 1a 22. Xayra < x=y=2=M =8. Chon A.

Cau 39. Goi H 1a hinh biéu dién tap hgp céc s6 phiic z trong mit phing toa do Oxy sao
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cho ‘22—;‘ <3, va s6 phtic z c6 phan ao khéng am. Tinh dién tich hinh H .

A. 3. B. 3—” C. 3—” D. 6r.
4 2
(THPT CHUYEN VO NGUYEN GIAP - QUANG BINH)
Loi gidi

bat z=x+yi (x,ye]R), ta co ZZ—E:2(x+yi)—(x—yi):2x+2yi—x+yi=x+3yi
Khi d6 [2z-Z|<3 & |x+3yi] <3< x* +9)” <3 X7 +9)” 9.
x> +9y° <9

Mt khac z c6 phan 4o khéng &m nén y >0. Vay hinh H tao bdi { -0
y=

2 2

Xét dudng Elip ¢6 phuong trinh (E): x> +9)% =9 < %+yT —1 ¢6 d6 dai hai ban truc 14n

lugt la a =3, b=1 nén dién tich (E) 1a S, =zab=3x.

S
Hinh H gi6i han béi hinh (E) pha trén truc Ox (y>0) nén S = (2E) :37” Chon C.

Cau 40. Trong cac s6 phtic z thdéa man ‘Z —(2 +4i )‘ =2, g0l z, va z, 1a s6 phiic ¢6 mddun
16n nh4t va nhd nhat. Téng phan 4o cta hai s6 phtic z, va z, bing
A. 8i. B. 4. C. -8. D. 8.

(SO GD&DT HA TINH)

Loi giai
Tap hop cac diém M(Z) 1a ducong tron (C) c6 tAm 1(2;4) va ban kinh R=2.
Vay max|z|=OM = Ol +R=~2 +4* +2=2+25. 74
min|z|=ON = Ol ~R=+2> +4* -2=2/5-2.
Tim s6 phtic z ¢6 médun 16n nhat, nhé nhat.
Phuong trinh dudng thing OI 1a y = 2x.
Toa @6 hai diém M , N 1a nghiém cta hé phuong trinh

y=2x y=2x
R
(x—2)2+(y—4)2:22 5x* —20x+16=0

= (xy)= ( NG \/7} hosc (x ;y)=(2+%;4+%], 1{ ; ”

(0]
S6 phtic z ¢6 mdédun 16n nhat 1a Z=2+%+(4+iJi

NG

tuong ting M (2 +

3e3)

S6 phiic z ¢6 médun nhé nhat 1a z:2—i+(4—iji tuong ing N(2——'4——j.
J5 J5

Vay téng phan 4o cia hai s6 phtic 14 4+ —+4—-—=8. Chon D.

5

Y=

Cau 41. Cho s6 phtic z;w khac 0 sao cho |Z - w| = 2|Z| = |w| Phan thuc caa s6 phiic u = =
w
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A az—l. B azl. C.a=1. D. a:l.
8 4 . 8
(THPT CHUYEN DH VINH - LAN 3)
Loi giai
St dung (:(A)ngtlru]icm:i Vol z,, z, €C.
zz| z,
|u|:£:H:l_
] ) . w |w| 2
Gia st u=a+bi (a;b IS R). T gia thiét, suy ra
l2—w] Z_w‘ 2 ‘
= —==-1=u-1]=1
|w| w w
1
+b=—
o ¢ 4 :>(a—1)2—a2:%:1—2a:%®a:é..ChQnD.
(a-1)" +b* =1

4 2 . 4 2 2
Cau 42. Cho s6 phtic z thoa méan (3 —41)2 _H =8. Trén mat phang toa do, khoang cach
z

tir gbc toa d6 dén diém biéu dién s6 phiic z thudc tap nao?

N R

(S(j GD&DT BAC NINH)
Loi giai
, . 4 . 4
Ta cé (3—4Z)Z—H=8<:>(3—4Z)Z=8+H (*)
z z

Lay modun hai v& ctia (*) va st dung cong thic |z,.z,|=|z .|z, , ta duge

2+i

8+i
g

(*)@\(3—41')2\: E S [3-4i||2|=4

2+i‘@5|z|=4
g

& 5|z =4(2|z]+1) & 5|2 -8]z|-4=0 2| =2.

Goi M (x;y) 1a diém biéu dién s¢ phitc z = OM =/x* +)” =|z|=2¢ G%) Chon D.

Cau 43. Cho s6 phiic z ¢6 moédun |z| =1. Gi4 tri 16n nhat cta biéu thic P = |l+ z| + 3|1 —z|.

A. 3410. B. 24/10. C. 6. D. 4/2.

(SO GD&DT BAC NINH)

Loi giai
bat z=x+yi (x,ye]R),tacé |z|=1<:> ¥ +y =1l x*+y* =1.Khi dé

P:|z+1|+3|l—z|:\/()cvtl)2 +y° +3\/(1—)c)2 +y°

:\/x2+y2+2x+1+3\/x2+y2—2x+1

=2x+2+3J2-2x.
Theo bat déng thic Bunhiacopxki, ta c6

(\/2x+2+3\/2—2x)2 <(1?+3?)(2x+2+2-2x) =40
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Suy ra P=+2x+2+32-2x <[40 =24/10 = P__ =210 . Chon B.

Z1+Z2

Cau 44. Néu hai s6 phtc z,, z, thoa man zz, #1 va |Zl| = |Z2| =1 thi s6 phtic w= 1
+zz
12

c6 phan ao bang

A. 0. B. 1. C. -1 D. 2.
Loi giai
P 2 _ 1 . P |
Ta c6 z,.z, =|Zl| =1=7z =—, tuong tu ta cling c6 z, = —
4 )
1,1
D .. —  ZtZ zZ, z z,+z S AL s
Khidé w=—""—=2=——"2-=-1_""2 —y— w la mot s6 thyc. Chon A.
I+z,z, 11 14zz
.
)

Cau 45. Cho s6 phiic z théa man diéu kién |z|=1. Goi M, m 1in lugt 1a gia tri 16n nhat

cta biéu thic P = |1 + Z| + ‘1 —z+ 22‘ . Téng M +m gan véi gia tri nao sau day nhat?

A. 3. B. 4. C. 6. D. 5.
L3i gidi
2
Dt 7 =[1+z| véi 1€[0;2] nén 2 =1+ = (1+2)(1+Z) =2+ 2Re(z) = Re(z) = 2
Ta 6 [1-z+2"|=|7-2¢|  khido P=f(t)=t+[[7-2| véi f:[0:2] > R.
7] 7 7 7
Va = S <SPS L= =3,
oA Eerer
7 [7 §
:>M+m:3\/%+\/;z5,ll. Chon D.
Db thi ham s6 f (f)=7+,|7-2/*| nhu hinh vé ben ——>
[ E E i I
LK Aig %

Loi két. Ban tai ligu lam trong thoi gian ngdn, khé tranh khéi nhivng sai xot ciing nhw y
kién chii quan ciia cd nhén tic gia, kinh mong quy khdn

gid tham khdio va dong gop ¥ kién véi tic gii dé hoan
thi¢n hon cdc sin pham vé sau. Va giri 16i chiic dén cdc
em hoc sinh 99er loi chuc

“ Pé Pai Hoc nhé ;) “

Gitta thanh cong va thdt bai cd con song
gian kho... trén con séng do cd cdy cdu tén

lo su cd gdng. |
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