SO GIAO DUC VA PAO TAO HA NOI PE KIEM TRA GIUA HQC Ki I NAM HQC 2023-2024
TRUONG THPT TRAN PHU - HOAN KIEM MON TOAN- KHOI 11

(Dé thi c6 05 trang) Théi gian lam bai - 90 phiit

Ho va t&n thi Sinh.....c..iiiuiiiiiiiiiiiieiiieeeieeeeee e eeeeeenne Mai dé : 111

SODAO AANN...cueneeneneneneeeenenenannnn.

I.PHAN TRAC NGHIEM ( 5 diém ).
Cau 1. Géc lugng giac nao sau day co cung diém cudi véi goc %T?

A, -Z. B. C.Z D. - 3Z
4 4

NE

Céau 2.Cho goc lugng giac a biét 0 < a < g Chon két qua diing :

A.sina < 0 va cosa > 0. B.sina > 0 va cosa < 0.
C.sina < 0 va cosa < 0. D. sina > 0 va cosa > 0.
A L 2 750%+sin 420° .
Cau 3. Gia tri cta biéu thic 4 = —— ol bang
sin(—3302)—cos(—3909)
13 2V3
A B. 2 — 343. C. -3-+3. ==
CAu 4. Trong cac ménh dé sau, ménh dé nao dung?
A. cos(—x) = — cos x. B. cos(t — x) = — cos x.
C.sin(x — ) = sinx. D. sin (g - x) = —COS X.

Ciau 5. Cho tam gidc AABC khong c6 goc nao vudng. Ménh dé nao sau day SAI ?

A.tan (Ai) = cotE. B. cot (Ai) = tang.
2 2 2 2
C.tan(4 + B) = tanC . D.tan(4 + B) = —tanC .

Ciu 6. Cho cic khang dinh.

(D). sinx—siny:—25inx+y.sinx;y. (IT) cosx+cosy:200sx;y.cosx;y
(IIT). sinx.cosy = %(sin Xty +sin x;y) . (IV)sinx.siny = —%(cos(x + y)—cos(x — »))
S6 khang dinh dtng 1.

A. 1. B. 2. C.3. D. 4.

Ciu 7.Chon khing dinh SAI trong cac khang dinh dudi day:

A.cos2a = 2sin?a — 1.
B. sin2a = 2sina.cosa.



C. cos(a + b) = cosa.cosb — sina. sinb.
D.sin(a + b) = sina.cosb + cosa. sinb.

A 4 /7 = 7 7/ . 2 -
Cau 8.Cho cosa = S Vol — % < a < 0.Tinh gia tri cua sin2a.

24 —24
C.—

-3
A.— B. .
5 25 25

ul|w

Cau 9. Rut gon va xéc dinh dau cua biéu thuc
P = sin(a+£).sin(a—£) v6i0 <a<->
4 4 4

A.—%cosZa <0. B.%cosZa > 0. C. —%cosZa < 0. D. —%cosZa < 0.

Cau 10.Cho sin*x + cos*x = m + n.sin?2x (m,n € R).Tinh T = 3m + 4n.
AT = -7. B.T =1. C.T=17. D.T =0.
Céu 11. Chon khang dinh dtng:

A. Ham s6 y = cosx ¢ d6 thi dbi ximg qua truc hoanh.

B. Ham s6 y = sinx c6 do thi d6i xtmg qua truc hoanh.

C. Ham s6 y = cosx c6 d6 thi d6i xting qua truc tung.

D. Ham sé y = sinx c6 d6 thi dbi xtmg qua truc tung .

Ciu 12.Trong cac khing dinh sau ddy, khang dinh nao PUNG:

A.Ham s6 y = cotx dong bién trén doan [g; %].
B.Ham s y = sinx nghich bién trén doan [3m; 47].
C.Ham s6 y = sinx dong bién trén doan [_Zﬂ; _TSE].
D. Ham s y = cosx ddng bién trén khoang [g; g].

Céu 13.Hinh v& duéi day 1a mot phan d6 thi cia ham sé luong gic nao ?

Ny
o A.y = sin3x
1 B.y = cos2x
! , . : - C.y = cosx
0) Z T\ 3x Jr Sz ;N\ 1z Jor T Dy =sin2x
T 4 2 1 2 4
-1+




Cau 14. Ham s6 nao sau day la ham s6 1€ va tuan hoan véi chu ki T = 2w ?

A.y = cot2x. B.y = tan2x.
C.y = cosx. D.y = 2.sin§.cos g
Céu 15. Tim tap xac dinh D cta ham sé y = m
A.D =R\ {kn(k € 2)}. B.D = R\ {5+ kn(k € 2)}
C.D = R\ {Z + k2n(k € )} D.D = R\ {Z(k € 2)}.

Cau 16. Nghiém cua phuong trinh  tanx = T3 la.
A.x=%+kn B.x:%+k27r C.x=%”+k7t D.x=%+kn
Cau 17.Trén doan [0; ], phwong trinh sinx = cosx c¢6 bao nhiéu nghiém ?
A.l. B. 2. C.0. D. v6 s6 nghiém.
Cau 18. Nghiém ctua phuong trinh cosx =0 1a.
A.x=—%+k27r B.x=%+k7z C. x=kn D.x = k2m
Cau 19. Tong tat ca cac nghiém trén doan [0; 27]ctia phwong trinh

V3.tanx —3=01a:

T 41 51
- n > D.m.
Az B C T
Cau 20.Phuong trinh cos(7. cos3x) = 1 ¢6 nghiém la :
Ax =T+ (k € 2). Bx ="+ (ke2).
C.x=§+kn(kEZ). D.x=%+k?n(kEZ).

Ciu 21. Trong khong gian, cho ba dudng thiang phan biét a,b,c trong d6 a // b.
Khang dinh nao sau diy SAI ?

A.Néua//cthib/ c.

B. Néu c cit a thi ¢ ciing cit b.

C.Néu A € ava B € b thi ba dudng thang a, b, AB dong phang.

D. T6n tai duy nhat mot mit phang di qua a va b.



Cau 22.

Cho hinh chép S.ABCD c6 day ABCD la tir giac 16i (khong
¢6 hai canh ddi dién nao song song. Goi M, N, P, Q lan luot
1a trung diém SA, SB, SC, SD . Goi L, E lan luot 14 giao
diém cua AD véi BC va cia MQ véi NP.

Khang dinh nao sau diy PUNG ?

A.Ba diém S, L, E thing hang.

B. MN chéo nhau véi PQ.

C.MQ // CD.

D. Bén diém M, N, P, Q tao thanh mot hinh tr dién.

Céu 23.Tim khing dinh PUNG trong céc khang dinh sau:
A. Qua hai diém phan biét c6 duy nhat mot mit phang.

B. Qua ba diém phén biét bat ki c6 duy nhat mot mit phang.

C. Qua bon diém phan biét bat ki c6 duy nhat mot mit phang.

D. Qua ba diém phan biét khong thang hang c6 duy nhit mot mit phéng.

Cau 24.

Cho hinh t&r dién ABCD. Go1 G 1a trong tdm tam giac
BCD. Giao tuyén cta hai mit phiang (ACD) va (GAB) la
AN v6i :

A.Piém N 1a trung diém ctia AB.

B. Piém N 14 trung diém cua CD.

C. biém N 1a trung diém ctia BD.

D. biém N 1a trung diém cia AC.

Cau 25.
Cho tir dién ABCD . Goi M, N,?P, Q lan luot 1a trung diém
cac canh AB, AD, CD, BC. Khang dinh nao sau day SAI ?
A.MN || BD va MN = > BD.
B. MN || PQ va MN = PQ.
C. Tt giac MNPQ la hinh binh hanh.
D. MNchéo nhau véi PQ.



II. PHAN TU LUAN ( 5 diém ) — Ma dé 111.
Cau 12,5 diém).

sin3x—sinx

1/ Chirng minh ring: = 2 sin x ( voi gia thiét biéu thirc c6 nghia)

2 cos? x—1

2/ChoZ< a < mva sina =>. Tinh cos(£+a)
2 4 3

3/ Giai cac phuong trinh lugng giac sau day :

a) sinx = >
b) cosx —sin2x = 0.

Cau 2 (0,5 diém).
Sb gio c6 anh sang mit troi ciia mot thanh phd A trong ngay th t ciia mot nim khong nhuan duge mo

hinh hoa boi ham sé L(t) = 12 + 3.sin (1% (t— 80)) [t €Zval <t <365). Vao ngay nao trong

nam thi thanh phd 4 ¢6 15 gio anh sang mit troi?

Cau 3(2,0 diém).

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M,N lan luot 1a trong tadm cua hai
tam giac ASAB va ASAD. Goi K 1a trung diém cua SD.

a)Tim giao tuyén d cua hai mit phang (SAB) va (SCD).

b) Chimg minh rang : MN // BD.

¢) Tim giao diém cua duong thang KB véi mat phang (SAC).
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(Dé thi c6 05 trang) Théi gian lam bai - 90 phiit

Ho va t&n thi Sih.......coevuiiiiiiiieiireiieeereeeeeeeeeeeeeneeennns Ma dé : 112

SO bA0 danh.........cceevvnenernnnnnnnnns
I.PHAN TRAC NGHIEM ( 5 diém ).
Cau 1.Cho goc luong giac a biét 0 < a < % Chon két qua dung :

A.sina < 0 va cosa > 0. B. sina > 0 va cosa > 0.
C.sina < 0vacosa < 0. D. sina > 0 va cosa < 0.

c0s 750%+sin 420°

Cau 2. Gié trj cua bicu thirc A = — (23309 —cos(—3507) bing

A.—-3-43. B.2 - 3V3. c. 25 D. %
Cau 3. Goc luong giac nao sau dy c6 cung diém cudi véi goc %n?

A2 B.Z. C.-=Z D.-Z.
Cau 4. Trong cac ménh dé sau, ménh d& nao ding?

A. cos(—x) = —cos x. B. sin(x — ) = sinx.

C. cos(m — x) = —cos x. D. sin (g—x) = —CcoSs Xx.

Ciu 5. Cho tam giac AABC khong c6 goc ndo vudng. Ménh dé nio sau day SAI ?

A.tan (Ai) = cotE. B. cot (Ai) = tang.
2 2 2 2
C.tan(4 + B) = —tanC . D.tan(4 + B) = tanC .

Céu 6.Chon khing dinh SAI trong cac khang dinh dudi day:

A.cos(a + b) = cosa.cosb — sina.sinb.
B.sin(a + b) = sina.cosb + cosa.sinb.
C.cos2a = 2sin?a — 1.
D.sin2a = 2sina. cosa.

A 4 /7 = 7 7/ . ? -
Cau 7.Cho cosa = S Vol — % < a < 0.Tinh gia tri cua sin2a.

Az B.—% c.22 D.
25 25 5

vl w



Ciau 8. Cho cac khang dinh.

(I). sinx —siny = —25inx+y.sinx;y . (D) cosx+cosy:2cosx;y.cosx;y
(IIT). sinx.cosy = %(sin”—y +sin xz;y) . (IV)sinx.siny = —%(cos(x + y)—cos(x — »))
S6 khang dinh ding 1a.

A.l. B. 2. C.3. D. 4.

Cau 9.Cho sin*x + cos*x = m + n.sin?2x (m,n € R).Tinh T = 3m + 4n.

AT =1. B.T=7. C.T=-7. D.T =0.
Cau 10. Rt gon va xac dinh d4u cua biéu thuc
. T . s 7 . T
P = sm(a+z).sm(a—z) v6i0<a <Z‘
A.—%cosZa < 0. B.%cosZa > 0. C. —icosZa < 0. D. —ECOSZQ < 0.

Céu 11.Trong cac khang dinh sau ddy, khang dinh nao PUNG:

A.Ham s6 y = cotx ddng bién trén doan [%; %].

B.Ham sd y = sinx nghich bién trén doan [3m; 4m].

C. Ham s y = cosx dong bién trén khoang [%; g].
—-5m -3m

D. Ham sb y = sinx dong bién trén doan [T ; T]'
Céu 12.Hinh v& du6i day 1a mot phan do thi cua ham s luong giac nao ?

\ Y
¥ r A.y = sin2x.
1 B.y = cos2x.
! : : ‘ . C.y=sin3x.
0 T T Jm Sm 3% T for “* D.y = cosx.
- 4 2 4 2 4
_] - .

Cau 13. Chon khang dinh dang:

A. Ham s6 y = cosx ¢ d6 thi dbi ximg qua truc hoanh.
B. Ham s6 y = sinx c6 d0 thj d6i xtmg qua truc hoanh.
C. Ham s6 y = cosx c6 d6 thi d6i xting qua truc tung.

D. Ham sb y = sinx c6 dd thi ddi xing qua truc tung .



Cau 14. Ham s6 nao sau day la ham s6 1€ va tuan hoan véi chu ki T = 2w ?

Ay = 2.sin§.cos g B.y = tan2x.
C.y = cosx. D.y = cot2x.

A by A r . 9 \ A 1_
Cau 15. Tim tap xac dinh D ctaham s6 y = /1_2:32

A.D = R\ {kn(k € Z)}. B.D = R\ {% + kn(k € 2)}.
T km
C.D = R\ {Z+ k2n(k € 2)} D.D =R\ {=(k € 2)}.
Cau 16. Nghiém cua phuong trinh cosx =0 1a.

A.x:—%+k27r B.x=%+kﬂ C. x=kr D.x = k21

3
Cau 17. Nghiém cua phuong trinh  tanx = - 1a.
A.x=§+kn B.x:%+k27r C.x=5?”+k1t D.x=%+kn

Cau 18.Trén doan [0; 7], phwong trinh sinx = cosx c6 bao nhiéu nghiém ?

A.l. B.2. C.0. D. vo s nghiém.

Céu 19. Tong tat ca cac nghiém trén doan [0; 27]ctia phwong trinh
V3.tanx —3 =01a:

b4 41T 5w

A.;. B.?_ C.m. D.=.

Cau 20.Phuong trinh cos(m. cos3x) = 1 ¢6 nghiém la :

Y s

km km
A.X—E+T(REZ). B.x—z+?(kEZ).

C.x=%+k?”(kEZ). D.x=§+kn(kEZ).
Céu 21.Tim khang dinh PUNG trong cac khang dinh sau:
A. Qua hai diém phan biét c6 duy nhat mot mit phang.
B. Qua ba diém phén biét khong thiang hang c6 duy nhat mot mit phang.
C. Qua ba diém phan biét bat ki c6 duy nhat mot mét phang.

D. Qua bdn diém phan biét bat ki c6 duy nhit mot mit phang.



Cau 22.

Cho hinh tir dién ABCD. Go1 G la trong tdm tam gidc

BCD. Giao tuyén ctia hai mit phang (ACD) va (GAB) la A

AN véi :

A.Diém N 13 trung diém cta AB.

B. Diém N la trung diém cta AC.

C. biém N 14 trung diém ciia BD. B D
D. Piém N 14 trung diém ctia CD.

Céu 23. Trong khong gian, cho ba dudng thing phan biét a,b,c trong d6 a // b.
Khang dinh nio sau day SAI ?

A.Néua//cthib/ c.

B. Néu c cit a thi ¢ ciing cat b.

C.Néu A € ava B € b thi ba dudng thang a, b, AB dong phang.

D. Ton tai duy nhéat mot mat phéng diquaavab.

Cau 24.

Cho tir dién ABCD . Goi M, N,?P, Q lan luot 1a trung diém A

cac canh AB, AD, CD, BC. Khang dinh nao sau day SAI ?

A. MNchéo nhau véi PQ.

B. MN || PQ va MN = PQ. N

C. T gidc MNPQ 12 hinh binh hanh.
D. MN || BD va MN =§BD. B D

Cau 25.

Cho hinh chép S.ABCD c6 day ABCD la tir giac 16i (khong
¢6 hai canh ddi dién nao song song. Goi M, N, P, Q 1an luot
la trung diém SA, SB, SC, SD . Goi I, E lan luot 1a giao
diém cta AD véi BC va cia MQ véi NP.

Khang dinh nao sau diy PUNG ?

A. MQ // CD.

B. MN chéo nhau véi PQ.

C.Badiém S, I, E thang hang.

D. Bén diém M, N, P, Q tao thanh mét hinh t&r dién.




II. PHAN TU LUAN (5 diém ) — Ma dé 112.
Cau 1 (2,5 diém).

cos3x+cosx

1/ Chimg minh rang: = 2cosx ( v6i gia thiét biéu thirc ¢ nghia)

2 cos?x—1
2/ ChoZ< a < mva sina =>. Tinh cos(z— a)
2 4 3
3/ Giai cac phuong trinh lugng giac sau day :

V3
a) cosx = 5

b) cosx —sin2x = 0.

Ciu 2 (0,5 diém).
Sb gior c6 anh sang mit troi ciia mot thanh phd A trong ngdy thir t cia mot nim khong nhuin duge mo
hinh hoa bai ham sd L(t) = 12 + 3.sin (% (t— 80)) [t E€Zval <t <365). Vao ngay nao trong

nam thi thanh phé A4 ¢6 15 gid anh sang mit trdi?
Cau 3 (2,0 diém).

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M,N lan luot 13 trong tim cua hai
tam giac ASAB va ASAD. Goi K 1a trung diém ciia SB.

a)Tim giao tuyén d cua hai mit phang (SBC) va (SAD).

b) Chimg minh riang : MN // BD.

¢) Tim giao diém cua duong thang KD voi mit phing (SAC).
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I. Tric nghiém (5 diém)

Ma dé 111
1A 2D 3C 4B 5C 6B TA 8D 9A 10B
11C 12C 13D 14D 15C 16A 17A 18B 19C 20D
21B 22A 23D 24B 25D

Mai dé 112
1B 2A 3D 4C 5D 6C 7B 8B 9A 10C
11D 12A 13C 14A 15C 16B 17D 18A 19D 20C
21B 22D 23B 24A 25C

IL Ty luén (5 diém)

Mi dé 111 Diém Mi dé 112
Cau 1: Cau 1:
. i —si ) C s +
1) Chuing minh rang w =2sinx 1) Chuing minh rang M =2cosx
2cos” x—1 2cos” x—1
VTzsin3x2—sinx=20052x.sinx:28inX:VP 0,5 VT:cos3x2+cosx:200s2x.cosx:2CO8x:VP
2cos” x—1 cos2x 4025 2cos” x—1 cos2x

2) Cho %<a<7r va sina:%. Tinh cos(%ﬂx)

2) Cho %<a<7z va sinaz%. Tinh cos(%—a)




+) %<a<7rnéncosoc =—/l-sin’a :—g

+) %<a<7rnéncosa=—\/1—sin2a :_g

0,254
+) cos(£+oc):cosz.cosoz—sinz.sinoc:M +) cos(ﬁ—a):cosz.cosoﬁsinz.sina:M
3 3 3 8 0,25d 3 3 3 8
3) Giai cac phuong trinh lugng giac sau: 3) Giai cac phuong trinh lugng giac sau:
3 x=21k 3 x=21ko
a) sinx=7:sin%<:> 5 (keZ) a) cosx:7=cos%<:> (keZ)
x27ﬁ+k2ﬂ 0,254 x:—%+k27r
+0,25d
b) Cach 1: cosx—sin2x:0<:>sin2x:sin(£—x) . . cosx=0
2 b) Cach 2: cosx—sin2x=0< cosx(1-2sinx)=0<| 1
0,25d s1nx:§
2x:%—x+k27r x=%+k2?ﬂ- _
< = (keZ) 0.25d+ x=2tkn
T V4 ’
2x=n—(——-x)+k2x xX=—+k2x
2 2 0,25d s
& x:€+k27r (keZ)
x:5—”+k27z
i 6
Cau 2: Cau 2:
L(£) = 12 + 3sin[-— (¢ —80)] = 15 <> sin[—— (¢ —80)] = | 0,254 | L(f)=12+3sin[-"—(t—80)] = 15 < sin[—— (¢ —80)] = |
182 182 ’ 182 182
V4 V4 T T
@E(t—SO)=E+k27z<:>t=171+364k,te(O;365],keZ @E(t—SO)=E+k27z<:>t=171+364k,te(O;365],keZ
=k=0=1t=171.Két luan. 0,25¢ | = k=0=1r=171.Két luan.

Cau 3:




S € (SAB) " (SCD)
a) {AB//CD
AB c (SAB),CD < (SCD)

= (SAB)N(SCD)=d ,d qua Sva d// AB, d // CD.
b) Goi I la trung diém ciia SA.
Do M, N lan lwot la trong tdm cdc tam gidc SAB va SAD nén

IM _IN

‘B ID

% va MN,BD  (IBD) = MN / /BD.
M IN 1

(Hodc xét tam gidac IBD c6 — =—=— = MN//BD).
B ID 3

0,5d

0,25d

0,254

0,254+
0,25d

S € (SBC) ~ (S4D)
a) 1BC//AD
BC < (SBC), AD  (SAD)

= (SBC)N(SAD)=d ,d qua Sva d// AD, d // BC.
b) Goi I la trung diém ciia SA.
Do M, N lan lwot la trong tam cdc tam gidc SAB va SAD nén

M _IN _1 s MN.BD < (IBD) = MN //BD.

B ID 3




¢) Goi O= ACBD,J =BK NSO

= =
J €S0,50 c (SAC) | J e(SAC)

= J =BKnN(S4C)

0,25d

0,25d

IM IN 1
(Hodc xét tam gidac IBD ¢c6 — =—=— = MN//BD).
B ID 3

¢) Goi O=ACNBD,J =DK NSO

J e DK J e DK
:{ { = J = DK N (SAC)

=
J €S0,80 < (SAC) " |J e(SAC)
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