CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 1. GOC LUQNG GIAC. GIA TRI LUQONG GIAC CUA

GOC LUQNG GIAC
<0> LY THUYET.

I. GOC LUQNG GIAC
1. Géc hinh hoc va sb do ciia chiing

S6 do ctia mot goe (hinh hoc) khong vudt qua 180°, s
Mot don vi khédc dudc st dung nhiéu khi do géc 1a radian
(doc la ra-di-an). Néu trén dudng tron, ta 14y mot cung tron
¢6 do dai biing ban kinh thi goc ¢ tim chin cung do goi v
la goc co 56 do | radian, goi tat 1a géc | radian (Hinh 2).
I radian con viét tit Ia 1 rad.

Hinh 2

Quan h¢ giira d¢ va radian

l°=irad va lrad = @ .
180 T

2. Goc lwong gidc va sb do ciia chiing

a. Khai niém: Trong mit phiang cho hai tia Ou, Ov. Néu tia Om quay chi theo chiéu duong
(hay chi theo chiéu 4m) tir tia Ou dén trang véi tia Ov, thi ta noi: tia Om quét mot gée lwgng
gidc voi tia ddu Ou , tia cudi Ov vaki hidu la (Ou, Ov).
Nhan xét: Goc lugng gidc (Ou, Ov) chi duge x4c dinh khi ta biét dugc chiéu chuyén dong quay
clia tia Om tir tia ddu Ou dén tia cudi Ov. Ta quy udc: chidu quay nguoc voi chiéu quay caa
kim ddng hd 1 chiéu dwong, chiéu quay cting v6i chidu quay cta kim ddng hd 1a chiéu am.

.- . \ re oy ‘s e , roA r A na
Khi tia Om quay goc a® thi ta n6i goc luong gidc ma tia d6 quét nén c6 s6 do a° hay ( @rad
). Vi thé, mdi mét goc lugng gidc déu c6 1 sb do, don vi do goc luong giac 1a d6 hodc radian.
Néu géc lwong gidc (0u, OV) c6 s6 do 1a athi ta ki hidu 1a sd (Ou, OV) =a hodc

(Ou, Ov)=a.

-
u,r
[‘ Mai géc lugng gide gde O duge xdc dinh bdi tia dau Ou, tia cudi Ov va s6 do cla
goc do.
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b. Tinh chét:

~
%0 hai géc lugng gidc (Ou, Ov), (O’u’, O’v’) ¢6 tia dau tring nhau (Ou = O’w’),
tia cudi tring nhau (Ov = O’v’). Khi d6, néu sti dung don vi do 1a do thi ta c6:
(Ou, Ov) = (0’w’, O’v’) + k360° v6i k 1a s6 nguyén.
Néu st dung don vi do 1a radian thi cong thiic trén c¢6 thé viét nhu sau:
(Ou, Ov) = (O’w’, O’v’) + k27 véi k 1a s& nguyén.
Cho hai tia Ou, Ov thi c6 vo sb géc lrgng gidc tia ddu Ou , tia cudi Ov . Mdi goc lwong gidc

nhu thé déu ki hiéu 1a (Ou, Ov).Sé do ctia cac goc lugng gide nay sai khéc nhau mot boi nguyén
cua 360°.

H¢ thire Chasles: v6i 3 tia Ou, Ov, Ow bét ki ta co:
(0u, OV) + (OV, OW) = (Ou, OW) +k2m (k € Z)

II. GIA TRI LUQNG GIAC CUA MQT GOC LUOQNG GIAC
1. Pudng tron lwgng giac

&
[Trong mit phéng toa dd da dugc dinh hudng Oxy, 1dy diém A(1 ; 0). Pudng tron tim O,
ban kinh OA = 1 dugc goi 1a duong tron lugng gidc (hay duong tron don vi) gbc A.

Dudng tron nay cét hai truc toa d¢ tai bén diem A4(1;0)
A'(=10), B(0:1), B'(0:-1). 4 B(0:1)

Diém trén dudng tron luong giac biéu dién goc lugng giac / N\"L

c6 s6 do o 1a diém M trén duong tron lugng giac sao cho
8 e e A'(-50)\_ O A(0;1)
(04, OM ) =a.
B'(0;-1)
2. Gia tri lwgng giac cua goc lwgng giac
Gid sir M (x;y) 1a diém trén duong tron lugng gidc, bicu dién goc 15
lugng giac c6 so do « . goe L N M(x; y)
« Hoanh d6 x cua diém M goi la cosin cua o vakihi€ula cosa A H E A
, COSa =X 5 e i
» Tung d0 y cua diém M goi 1a sin cua « va ki hiéu 1a sina ,
sina =y
B
x .z sina .. , A s
* Néu cosa #0, ti sO got la tang ciia @ va ki hiéu l1a tana (nguoi ta con dung ki hiéu
cosa
sin
tga): tana = .
cosa
Ao , 4+ COSCx S 1y A , LRI " \ | £ 1A
* Néu sina # 0, ti sO — goi la cOtang cua o va ki hi€u la cota (nguoi ta con dung ki hiéu
sin
cosa
cotga): cotax =——.
sin
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Céc giatri sine, cosa, tana, cota dugc goila cac gia tri lwgng giac ciia cung «.
Chu y:
a) Ta cling goi truc tung la truc sin, con truc hoanh Ia truc cosin
b) Tt dinh nghia ta suy ra:
1) sina va cosa xac dinh véi moi a € R.

Hon nira, ta co:

sin(a +k27)=sina, VkeZ;| |-1<sina<l

cos(a+k2r)=cosa, VkeZ| |~1<cosa<l.

2) tana xac dinh v&i moi a¢%+k7r (kez).

3) cotar xéc dinh véi moi @ #kx (keZ).

4) Déu cua cac gia tri luong giac ciia goc & phu thudc vao vi tri diém biéu dién M trén
duong tron lugng giac.

yA
s
H |\
A oN/ o : JA X
o gl Y Va4
o S M
=

Bing xdc dinh déiu ciia cdc gid tri lwong gidc

Goc
Gia tri phantw | I Il \Y
qungj giac
COS o e = = +
sin o + + - -
tan o + - - -
cot a + ~ + —

c. Gia tri lwong giac cia cac cung dac biét

Page 3
Swu tam va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

o 0 z |z | =z z
6 4 3 2
sina 0 % g ? 1
cosa 1 V32| L 0
2 2 2
1
tan & 0 Al J3 | Khong xéc dinh
1
cota Khoéng xac dinh \/5 1 ﬁ 0

Cong thirc lwgng giac co ban
Dbi voi cac gia tri luong giac, ta co cac hing dang thuc sau

sina +cos’ a =1

1 T
l+tan*a=———, a#—+kr, kel
CoS &

l+cot’a =

——, azkr, kel
sin”

tana.cota =1, a ;ék?ﬂ, kel

3. Gia tri lwgng giac cia cac goc cd lién quan dac biét

VA
B B
le
A’ , [ T & :
- » A H ] oL A
, ' 0O H \
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oA

B
e
K

o
X
Géc ddi nhau Géc bu nhau Géc phu nhau
cos(—a) = cosa sin(7 —a) = sina sin (E — aj = cosa
. . V4 .
sin(—@) = —sina cos(r—a) = —cosa cos E—a = sina
V4
tan(—a) = —tan tan(7 —a) = —tan tan 5—0{ = cota
V4
cot(—a) = —cota cot(r —a) = —cotx cot E—a = tana

Goc hon kém 77

T
Goc hon kém 5

sin(r +a) = —sina

. T
sm(EJraj =COoOSx

Vs .
cos(r+a) =—cosa cos E+a =—sina
Vg
tan(7 + )= tana tan 3+a =—cota
T
cot(r+a)=cota cot E+a =—tana

@ HE THONG BAI TAP TU LUAN.

Swu tdm va bién soan
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DANG 1: XAC PINH PO DAI CUNG TRON

Mot cung tron c¢6 s6 do a° (hodc a rad) co do daila /= % (hoac /=aR )

Caul: Mot duong tron c6 ban kinh 10. Tinh d6 dai cung tron ¢ s do 30°
Cau2: Mot banh xe may co dudng kinh 60. Néu xe chay v6i van tdc 50(km / k) thi trong 5 gidy banh
xe quay dugc bao nhiéu vong.
Cau3: Mot du quay & cong vién c6 ban kinh bang 10m. Téc do cia du quay 1a 3 vong/phut. Hoi mat
bao 1au dé du quay quay duogc goc 270°?
Cau4: Mot dong ho treo tuong co kim gio dai 10,25cm, kim phat dai 13,25¢m . Trong 30 phut kim
gi0 vach nén cung tron c6 do dai bao nhiéu?
DANG 2: TINH GIA TRI LUQNG GIAC CUA MOT GOC LUQONG GIAC HOAC MQT BIEU THUC
Str dung cong thirc lwgng giac co ban trong cac bai toan:
1) sin ¢ +cos’ a =1 2) 1+tan’ o =———, a+Zvkn, kel
cos” a
2 1 kr
3) I+cot' a=———, a+kr, kel 4) tana.cota =1, a#—, keZ
sin” a 2
5) tang = 0% 6) cotach)sa.
cosa sina
. 2 T , e e c .
Cau5: Cho cosx = ﬁ Y <x <0 |. Tinh gia tri cua céc gia tri lugng giac con lai.
Cau 6: Cho sinx :% (% <x< 7[} . Tinh gié tri cta cac gia tri lugng gidc con lai.
Cau7: Cho tanx =% (—7[ <x< —%) Tinh gia tri cua céac gia tri lugng gidc con lai.
N 3 3z , e e g
Cau 8: Cho cotx= 2 T<x< - Tinh gia tri cua céc gid tri lugng gidc con lai.
Cau9: Biét tana =2 va 180" < <270°. Tinh gi4 tri cta biéu thic: sin @ + cosa
Céiu 10: Cho tana =2 . Tinh gia trj ctia biéu thic: 4 = M
sin@ —cosa
2sinx—
Cau1l: Cho tanx=3.Tinh P=" "%
sin x +cos x
Cau 12: Cho sina = 1 . Gia tri ctia biéu thie A = _cota—tana bang
3 tana +2cota
Céu 13: Cho tanx = —4. Gid trj cita biéu thitc 4 = 250X =3C0SX 1
3cosx+sinx
. o 2 2sina —
Cau 14: Chotana =3, khi d6 gia tri cua biéu thiic P = §1n GO 5
3sina —5cosa
| 2 . ;
Cau 15: Cho goc o théa man ~Z <a<0 va cosa==. Gia tri cua biéu thuc P=sin o+ ! bang
2 2 cosa
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

DANG 3:
Cau 20:

Cau 21:

Cau 22:
Cau 23:

DANG 4:
Cau 24:

Cau 25:

Cau 26:

Cau 27:
Cau 28:

Cau 29:

DANG 5:
Cau 30:

Cau 31:
Cau 32:
Cau 33:

sin® o —3sin® acosa + cos* v
2

Cho tana =2. Tinh gié tri cua biéu thirc P = — > —.
a+sin” acos” a+2cos” «

tan(87r—a)+200t(7r+a)
&80
3tan| —+a
2

« .8 8
, e 12 , sina  cos’a
Tinh gid tri cua biéu thue: 4= —+ 3
a b a+b a b

sin

Cho 2tana—cota =1 véi —% <& <0. Tinh gi4 tri biéu thic P =

Cho sinx+cosx =m . Tinh gi4 tri cia biéu thirc: M =|sin x —cos x]

- 4 4
sin"a cos o 1
Cho + =

GIA TRI LUQNG GIAC CUA CAC GOC CO LIEN QUAN PAC BIET
Tinh gia tri cta biéu thirc: S = 3 —sin® 90° + 2 cos® 60° — 3 tan’ 45°
. . (5 :
Rt gon biéu thirc D = s1n(7ﬂ— aj +cos(137+a)-3sin(a—57).
Tinh gia tri cta biéu thirc: sin?10° +sin® 20° +sin®30° +...+sin? 70° +sin? 80°

Tinh gia tri cta biéu thirc:
M =cos®10° + cos? 20° + cos? 30° + cos? 40° + cos? 50° + cos? 60° + cos* 70° + cos* 80° +.

+¢05%90° + cos? 100° + cos? 110° + cos? 120° + cos? 130° + cos? 140° + cos? 150° + cos? 160° +

+c0s”170° +cos*180°

RUT GON BIEU THUC LUONG GIAC. PANG THUC LUONG GIAC
Rit gon biéu thirc 4 = (1 —sin® x).cot2 X+ (1 —cot’ x)

Rat gon biéu thitc M = (sinx+cos x)2 +(sinx—cos x)2 :

Rut gon biéu thie C = 2(cos4 x +sin* x + cos’ xsin’ x)2 -~ (cos8 x + sin® x)

(sinx—cos x)2 -1

Pon gian biéu thue 4 = -
tan x —sin x.cos x

Tinh gia tri ctia biéu thic 4 =sin® a +cos® & +3sin’ @ cos’ & .

l+sina +\/1—sina

l-sina I+sina

GIA TRI LON NHAT, GIA TRI NHO NHAT CUA BIEU THUC LUQONG GIAC

Cho 0<a<%.Tinh\/

Gi4 tri 16n nhat cia Q =sin® x+cos® x bang:

Gi4 tri 1on nhét ctia biéu thitc M =7 cos?® x —2sin’ x 1a.

Tim gi4 tri nh6 nhét cta biéu thirc P = cot* a +cot* b+ 2tan’ a.tan> b+ 2
Tinh gia tri lugng giac con lai ciia goc x biét:

) 3 . 3 1 . T
a. siInx=—— Vol 1<x<—. b.cosx=—vo1 0<x<—.
5 2 4 2

C. cosng voi 0< x<90°. d. cosx:—% v6i 180° < x < 270°.
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Céu 34: Tinh gia tri lwong giac con lai cta goc x biét

2) cosx = = véi —§<x<0.b) cosxz% véi 270° < x < 360°.

J5
. 5 , . T . 1 7. o o
¢) sinx=— vOl —<x <7 d) sinx=—— vo1 180" <x <270".
13 2 3
Céu 35: Tinh gia tri lwong giac con lai ctia goc x biét
a) tanx =3 Véi7r<x<377r. b) tanx =—-2 Véi%<x<7r.

. .
c) tanx:—EV61%<x<7r d) cotx=3 V('717T<x<37ﬂ-.

Cau 36: Tinh gia tri luong giac ciia cac biéu thirc sau:

a) Cho tanx — —2. Tinh: 4 — JSOtXT4tanx -, - 2smnx+cosx

B 2 T . .
S5cotx—4tanx cosx—3sinx

b) Cho cotx = /2. Tinh: B, — SSM¥ —COSY p _ sinx—3cosx
SIN X + COS X sin x +3cos x

¢) Cho cotsz.Tinh:Cl:Zs_mx+3cosx,CZ: > 2_ _
3sinx—2cosx COS™ X —SINXCOSX
d) Cho sinx—=>,0 < x <. Tinh: £ — Sot¥xFtanx
5 2 cotx—tanx

8tan’ x+3cotx—1
tan x +cot x '

e) Cho sinx:%,%0 <x<180°. Tinh: F =

Cau 37: Chtng minh céc dang thirc sau:
2 2 ) 2 . )

a) cos x—sin“x=1—2sin"x. b) 2cos"x—1=1—2sin" x

¢) 3—4sin” x=4cos’ x—1 d) sin xcot x + cos x tan x = sin x + cos x
Cau 38: Ching minh cac dang thirc sau:

a. sin® x+cos’ x =1—2sin” x.cos* x b. cos* x —sin® x = cos® x —sin’ x

c. 4cos’x—3= (1—2sinx)(1+2sinx) d. (H—cosx)(sin2 X —cos x + cos’ x) =sin’x
Cau 39: Chtng minh céc dang thic sau:

a. sin* x—cos* x=1—2cos’ x =2sin’* x—1 b. sin® x.cos x + sin x.cos’ x = sin x.cos x

c. tan” x —sin” x = tan” x.sin” x d. cot® x —cos® x = cot” x.cos” x

Céu 40: Chimg minh cac dang thuc sau:

1—cosx sin x
a. tanx +cotx = —— b. - =
sin x.cos x sin x 14+cosx
1 1
c. + =1 d. [1— ! ][l-l— ! ]+tan2x:0
l+tanx 1+4cotx COS X COS X
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Céu 41: Chimg minh cac ding thire sau khéng phu thudc vao bién x:

a) A =—sin* x+cos* x +2sin’ x.
b) B =sin* x+ cos” xsin® x +cos’ x.

¢) B=cos* x+cos’ xsin’ x +sin’ x
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 1. GOC LUQNG GIAC. GIA TRI LUQONG GIAC CUA

GOC LUQNG GIAC
<0> LY THUYET.

I. GOC LUQNG GIAC
1. Géc hinh hoc va sb do ciia chiing

S6 do ctia mot goe (hinh hoc) khong vudt qua 180°, s
Mot don vi khédc dudc st dung nhiéu khi do géc 1a radian
(doc la ra-di-an). Néu trén dudng tron, ta 14y mot cung tron
¢6 do dai biing ban kinh thi goc ¢ tim chin cung do goi v
la goc co 56 do | radian, goi tat 1a géc | radian (Hinh 2).
I radian con viét tit Ia 1 rad.

Hinh 2

Quan h¢ giira d¢ va radian

l°=irad va lrad = @ .
180 T

2. Goc lwong gidc va sb do ciia chiing

a. Khai niém: Trong mit phiang cho hai tia Ou, Ov. Néu tia Om quay chi theo chiéu duong
(hay chi theo chiéu 4m) tir tia Ou dén trang véi tia Ov, thi ta noi: tia Om quét mot gée lwgng
gidc voi tia ddu Ou , tia cudi Ov vaki hidu la (Ou, Ov).
Nhan xét: Goc lugng gidc (Ou, Ov) chi duge x4c dinh khi ta biét dugc chiéu chuyén dong quay
clia tia Om tir tia ddu Ou dén tia cudi Ov. Ta quy udc: chidu quay nguoc voi chiéu quay caa
kim ddng hd 1 chiéu dwong, chiéu quay cting v6i chidu quay cta kim ddng hd 1a chiéu am.

.- . \ re oy ‘s e , roA r A na
Khi tia Om quay goc a® thi ta n6i goc luong gidc ma tia d6 quét nén c6 s6 do a° hay ( @rad
). Vi thé, mdi mét goc lugng gidc déu c6 1 sb do, don vi do goc luong giac 1a d6 hodc radian.
Néu géc lwong gidc (0u, OV) c6 s6 do 1a athi ta ki hidu 1a sd (Ou, OV) =a hodc

(Ou, Ov)=a.

-
u,r
[‘ Mai géc lugng gide gde O duge xdc dinh bdi tia dau Ou, tia cudi Ov va s6 do cla
goc do.
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b. Tinh chét:

~
%0 hai géc lugng gidc (Ou, Ov), (O’u’, O’v’) ¢6 tia dau tring nhau (Ou = O’w’),
tia cudi tring nhau (Ov = O’v’). Khi d6, néu sti dung don vi do 1a do thi ta c6:
(Ou, Ov) = (0’w’, O’v’) + k360° v6i k 1a s6 nguyén.
Néu st dung don vi do 1a radian thi cong thiic trén c¢6 thé viét nhu sau:
(Ou, Ov) = (O’w’, O’v’) + k27 véi k 1a s& nguyén.
Cho hai tia Ou, Ov thi c6 vo sb géc lrgng gidc tia ddu Ou , tia cudi Ov . Mdi goc lwong gidc

nhu thé déu ki hiéu 1a (Ou, Ov).Sé do ctia cac goc lugng gide nay sai khéc nhau mot boi nguyén
cua 360°.

H¢ thire Chasles: v6i 3 tia Ou, Ov, Ow bét ki ta co:
(0u, OV) + (OV, OW) = (Ou, OW) +k2m (k € Z)

II. GIA TRI LUQNG GIAC CUA MQT GOC LUOQNG GIAC
1. Pudng tron lwgng giac

&
[Trong mit phéng toa dd da dugc dinh hudng Oxy, 1dy diém A(1 ; 0). Pudng tron tim O,
ban kinh OA = 1 dugc goi 1a duong tron lugng gidc (hay duong tron don vi) gbc A.

Dudng tron nay cét hai truc toa d¢ tai bén diem A4(1;0)
A'(=10), B(0:1), B'(0:-1). 4 B(0:1)

Diém trén dudng tron luong giac biéu dién goc lugng giac / N\"L

c6 s6 do o 1a diém M trén duong tron lugng giac sao cho
8 e e A'(-50)\_ O A(0;1)
(04, OM ) =a.
B'(0;-1)
2. Gia tri lwgng giac cua goc lwgng giac
Gid sir M (x;y) 1a diém trén duong tron lugng gidc, bicu dién goc 15
lugng giac c6 so do « . goe L N M(x; y)
« Hoanh d6 x cua diém M goi la cosin cua o vakihi€ula cosa A H E A
, COSa =X 5 e i
» Tung d0 y cua diém M goi 1a sin cua « va ki hiéu 1a sina ,
sina =y
B
x .z sina .. , A s
* Néu cosa #0, ti sO got la tang ciia @ va ki hiéu l1a tana (nguoi ta con dung ki hiéu
cosa
sin
tga): tana = .
cosa
Ao , 4+ COSCx S 1y A , LRI " \ | £ 1A
* Néu sina # 0, ti sO — goi la cOtang cua o va ki hi€u la cota (nguoi ta con dung ki hiéu
sin
cosa
cotga): cotax =——.
sin
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Céc giatri sine, cosa, tana, cota dugc goila cac gia tri lwgng giac ciia cung «.
Chu y:
a) Ta cling goi truc tung la truc sin, con truc hoanh Ia truc cosin
b) Tt dinh nghia ta suy ra:
1) sina va cosa xac dinh véi moi a € R.

Hon nira, ta co:

sin(a +k27)=sina, VkeZ;| |-1<sina<l

cos(a+k2r)=cosa, VkeZ| |~1<cosa<l.

2) tana xac dinh v&i moi a¢%+k7r (kez).

3) cotar xéc dinh véi moi @ #kx (keZ).

4) Déu cua cac gia tri luong giac ciia goc & phu thudc vao vi tri diém biéu dién M trén
duong tron lugng giac.

yA
s
H |\
A oN/ o : JA X
o gl Y Va4
o S M
=

Bing xdc dinh déiu ciia cdc gid tri lwong gidc

Goc
Gia tri phantw | I Il \Y
qungj giac
COS o e = = +
sin o + + - -
tan o + - - -
cot a + ~ + —

c. Gia tri lwong giac cia cac cung dac biét
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o 0 z |z | =z z
6 4 3 2
sina 0 % g ? 1
cosa 1 V32| L 0
2 2 2
1
tan & 0 Al J3 | Khong xéc dinh
1
cota Khoéng xac dinh \/5 1 ﬁ 0

Cong thirc lwgng giac co ban
Dbi voi cac gia tri luong giac, ta co cac hing dang thuc sau

sina +cos’ a =1

1 T
l+tan*a=———, a#—+kr, kel
CoS &

l+cot’a =

——, azkr, kel
sin”

tana.cota =1, a ;ék?ﬂ, kel

3. Gia tri lwgng giac cia cac goc cd lién quan dac biét

VA
B B
le
A’ , [ T & :
- » A H ] oL A
, ' 0O H \
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oA

B
e
K

o
X
Géc ddi nhau Géc bu nhau Géc phu nhau
cos(—a) = cosa sin(7 —a) = sina sin (E — aj = cosa
. . V4 .
sin(—@) = —sina cos(r—a) = —cosa cos E—a = sina
V4
tan(—a) = —tan tan(7 —a) = —tan tan 5—0{ = cota
V4
cot(—a) = —cota cot(r —a) = —cotx cot E—a = tana

Goc hon kém 77

T
Goc hon kém 5

sin(r +a) = —sina

. T
sm(EJraj =COoOSx

Vs .
cos(r+a) =—cosa cos E+a =—sina
Vg
tan(7 + )= tana tan 3+a =—cota
T
cot(r+a)=cota cot E+a =—tana

@ HE THONG BAI TAP TU LUAN.

Swu tdm va bién soan
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Cau 1:

Cau 2:

Cau 3:

DANG 2:

DANG 1: XAC PINH PO DAI CUNG TRON

Mot cung tron c¢6 s6 do a° (hodc a rad) co do daila /= % (hoac /=aR )

Mot dudng tron c¢6 ban kinh 10. Tinh d6 dai cung tron ¢ s do 30°

Loi gidi
Do dai cung tron c6 sd do 30° 1a [ = 7['—30.R = ”'—30.10 =5,26(cm)
180 180

Mot banh xe may c6 dudng kinh 60. Néu xe chay v6i van tdc 50(km / k) thi trong 5 gidy banh
xe quay duogc bao nhiéu vong.
Loi giai
50.1000
3600

Trong mdt phut banh xe quay duoc: [ (0, 6.7[)} 5=36,9.

Mot du quay & cong vién cd ban kinh bang 10m. Tc d6 cia du quay 13 3 vong/phut. Hoi mat

bao 1au dé du quay quay dugc goc 270°?
Loi giai

Tinh dugc: 270° = fglgﬂ' = iﬂ = i.27z

Vay du quay quay dugc goc 270° khi n6 quay duogc % vong
Ta c6: Pu quay quay dugc 1 vong trong % phut

1
— = phut.
7 P

W | =

Pu quay quay duoc % vong trong %

Mot dong ho treo tudng c6 kim gio dai 10,25c¢m, kim phut dai 13,25cm . Trong 30 phit kim
gi0 vach nén cung tron c6 do dai bao nhiéu?
Loi giai

Trong 6 gio kim gio vach nén mét cung co sb do 1a ﬂ(rad) , vay trong 30 phut kim gi¢ vach

nén cung c6 sd do 1a %(rad). Khi d6 do dai cung tron ma kim gio vach ra trong 30 phut 1a
I=Ra=1= 10,25.% —=2,68(cm).

TINH GIA TRI LUONG GIAC CUA MOT GOC LUONG GIAC HOAC MOT BIEU THUC

St dung cong thirc lwgng gidc co' ban trong cac bai toan:
1) sin ¢ +cos’ ax =1

2) l+tan’ @ = , a¢£+k7r,keZ

cos’ a
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——— a#kn, kel

3) I+cot’ o =—
sin® &

4) tana.cota =1, ai%, kel

sina
5) tana = .
cosa
cosa
6) cotax =———.
sin o

Cau5: Cho cosx = -—<x< 0] . Tinh gia tri cta cac gié tri lugng gidc con lai.

5

Loi giai

. T )
Vi —3<x<0:>s1nx<0

&||N
N
39

[
| —

Ta ¢6 sin® x+cos’ x=1 = sin* x =1—cos’ x :1—(

1
Viy sinx=——.
J5

1 2
tanx:snlx:—\/g:_l; Cotxzc?sxziz_z
COS X 2 2 sin x RS

5 5

Cau 6: Cho sinx= 3 (£ <x< 7[} . Tinh gi4 tri cta cac gié tri luong gidc con lai.

Loi giai
T
V15<x<7r:>cosx<0
) 2 2 . 2 3 ? 16
Tacd sin“x+cos"x=1=cos"x=1-sin"x=1-|—| =—
5 25
4
Vay cosx=——.
ay 5
3 4
sinx 5 3 cosx 5§
tan x = =——=——; cotx=— = —_
cosx _4 4 sinx 3 3
5 5

Cau7: Cho tanx :% (—7[ <x< —%) Tinh gié tri cia cac gia tri lugng gidc con lai.

Loi giai
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Cau 8:

Cau 9:

Céau 10: Cho tana =2. Tinh gia trj cta biéu thirc: 4 =

\ s
Vi —7r<x<—E:cosx<O

1 1 4
tanx.cotx=1=cotx = =—=—
tanx 3 3
4
, ) 3\ 25 , 16
Ta cod —=Il+tan"x=1+|—| =—=cos" x=—
COS” X 4 16 25

4
Vay cosx = —g.

. 3 4 3
—Dsmx=tanx.coSx=—.| —— |[=——
4 5 5

sin x
tanx =
CcOS X

Cho cotx=— (7[ <x< 7) . Tinh gia tri cua céc gié tri lugng gidc con lai.
Loi giai

X RY/4 .
Vi 7r<x<73smx<0

1 1 4
tanx.cotx=1=tanx = = =—
cotx 3 3
4
, ) 3V 25 ., 16
Tac6 ——=1+cot x=1+|=-| == =sin"x=—
sin” x 4 16 25

Vay sinx = —%.

x . 3( 4} 3
:>cosx:cotx.s1nx=z, —_ ===

co
cotx =

sin x 5 5

Biét tana =2 va 180° < <270°. Tinh gi4 tri ctia biéu thirc: sin @ + cosar

Loi giai
coszoc—;—lzcosoc—JrL
l+tan’a 5 5
0 0 A 1 . 2
Do 180" <@ <270 nén cosa <0 cosa <0. Suy ra, cosa=—T_sma=tana,cosa:_ﬁ
5

35

o 5
Do do,sina + cosa = —T.

3sina +cosa
sin o —cos &
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Loi giai
S 3sina+cosa _ 3tana +1 _7
sina —cosa tana —1
Céu 11: Cho tanx=3. Tinh p=23M¥~COSY,
sSin x +cos x
Loi giai

2.3cosx—cosx _ 5cosx _i
R

sin x ) c 4y
=3=smmx=3cosx. Khido P= =
Ccos X 3cosx+cosx 4cosx

Tacod tanx=3=

) | I S cota—tana .
Cho sina =—. Gia tri cia biéu thtc A = —  bang
tana+2cota

Cau 12:
Loi giai
cosa sina
, cota—tana ; B cos® a—sin’ a
Tacd A= _ §1na cosa _
tana+2cota sina | cosa sin® a+2cos’ a
cosa sina
. 2 . 2
(l—sm a)—sm a _1—2sin2a_ 7
sin2a+2(1—sin2a) 2-—sin*a 17
" e a1z , 2sinx—5cosx |,
Cau 13: Cho tanx =-4. Gia tri cua biéu thtc A=—— 1a
3cosx+sinx
Loi giai
sin x 5cosx
Tac(,)_14:2s1nx—5(:osx: COS X Cosx:2tanx—5:2.(—4)—5:13
3cosx +sinx 4 CosX  sinx 3+tanx 3+(—4)
COSX COSX
" oy er e 2 , 2sina —cosa .,
Cau 14: Chotana =3, khi d6 gia tri cua biéu thiic P =— la
3sina—5cosa
Loi gidi
e %, 2sina—cosa 2tana-1 5
Chia ca tir va mau ciia P cho cosa #0 ta dugc: P=— = =—.
3sinaa—5cosa  3tana -5 4
A , , ~ T \ 1 cr e . 2 , . 1 N
Cau 15: Cho goc o théaman ——< a <0 va cos a=5. Gia tri cta biéu thirc P=sina+ bang
cosa

Loi giai
Cach 1: Ta co: sin’ a+cos’ a=1<>sin’ a=1—cos’ a

1 1Y 3
Véi cosa=— = sin’ a=1- =— S sing=t—
2 2 2

. 7 a . )
Vi — < a <0 nén s1na<0:>sma:—7.
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Vay: P=sina+ ! =_£+l=_£ zzﬂ_
cosa 2 1 2 2
2
1
cosQ=—
y .y e 2 T

Cach 2: Theo gia thiét: So=——.

T a<0

2

Vay P=sina+

=sin(_£j+ L _ 3, 43

cosao

.4 =3 2
. , e, 2 , sin” o —3sin” wcos + cos” «
Cau 16: Cho tana =2. Tinh gié tri cia bi¢u thic P = +

sin® av +sin? accos® v + 2 cos’ v
Loi giai

Do tane =2 nén cosa # 0. Chia ca tir va mau cua biéu thirc P cho cos* & ta duoc:

. 4 .3 2
sin* a sin*acosa  cos’ &
3. Z + Z tan* ¢ —3tan’ o + 5
po_cosa cos' & costa _ cos’ a
=2 =2 2 2 1
sina  sin’ acos’a cos’ a
— . 2. tan’ @.———+tan’ @ +2.—
cos’ & cos’ o cos’ a cos” & cos” «

4 3 2
B tan” o —3tan a+(tan 0“"1) _tan* @ —3tan’ o +tan’ o +1

B tan’ 0(.(tan2 a +1)+tan2 o +2.(tan2 a +1) a tan*a +4tan’ ¢ +2

24-32 42241 3

2444242 34
3
Viy P=——_.
+ 34

tan (87 —a)+2cot(7 +a)

Cau17: Cho 2tana—cota =1 véi —%<a<0. Tinh gi4 tri bidu thic P =

3tan 37z+aj
2
Loi giai
tana =1
2tana—cota=1< 2tana — =l< 1.
tana tana = ——
2
. T n 1
Vi —E<a<0 nén tana <0, suyra tana:—E, cota=-2
, RY/4
Ta co: tan(87 —a)=—tana; cot(z+a)=cota; tan 7+a =—cota.
Page 10
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Cau 18:

Cau 19:

DANG 3:
Cau 20:

Cau 21:

1
_tan(8z—a)+2cot(7r+a) —tana+2cota 5_4 7

B (37[ j B —3cota 6 127
3tan 7+a

Cho sin x+cos x =m . Tinh gia tri cia biéu thirc: M =|sinx—cosx
Loi giai
r 2 . 2 .2 . 2 .
Taco: M =(smx—cosx) =sin” x—2sin x.cosx+cos” x =1—2sin x.cos x.

- ) . 2 . 2 . .
Mit khac: M? =(sinx—cosx) =(sinx+cosx) —4sinx.cosx =m’ —4sinx.cosx.

m* —1

Suy ra: 1—2sin x.cos x =m’ —4sin x.cos x <> sin x.cos x =

Dodo: M>=2-m*> =M =~2—-m> .

.4 4 . 8 8
Cho 2 %, €05 & _ ! Tinh gia tri ctia biéu thirc: A4 = s1n3a+cos3a
a b a+b a b
Loi giai
1-¢t) ¢
Dat cosza:t:—( ) +t—:—l
a b a+b
<:>b(1—t)2+a12: ab S at’> +bt* =2bt+b = ab < (a+b)t* -2bt+b= ab
a+b a+b a+b
<:>(a+b)2t2—2b(a+b)t+b2:0 ot =
a+b
2 . 2 a
Suyra cos” o = ;sin” @ =
a+b a+b
. sinfa costa a b 1
Vay: 3 T 3 T i 3
a b (a+b) (a+b) (a+b)

GIA TRI LUONG GIAC CUA CAC GOC CO LIEN QUAN PAC BIET

Tinh gia tri cta biéu thirc: S = 3 —sin® 90° + 2 cos® 60° — 3 tan’ 45°
Loi giai

2
Tacd S =3-sin*90" +2cos’ 60" —3tan* 45 =3—1° +2.Gj -3.17 =—%.
, .2 , . (57 .
Rt gon biéu thirc D =sin e +cos(137 +a)—3sin(a-57).
Loi giai

Ta co D=sin(%—aj+cos(l37z+a)—3sin(a—57r)
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Cau 22:

Cau 23:

DANG 4:

Cau 24:

Cau 25:

Cau 26:

:sm(;—a}+cos(;z+a)+3s1n(7z—0£) =cosa —cosa +3sina =3sina .

Tinh gié tri ctia biéu thirc: sin10° +sin® 20° +sin® 30° +...+sin* 70° +sin® 80°

Loi giai
sin®10° +sin® 20° +sin”*30° +...+sin” 70° +sin” 80°
sin®10° +sin” 20° +sin” 30” +...cos” 30 + cos” 20° + cos* 10°
Tinh gia tri ctia biéu thuc:
M =cos’10° +cos” 20° +cos” 30° + cos” 40° + cos” 50° +cos” 60° +cos” 70° + cos” 80" +.
+c0s”90° +cos® 100° +cos® 110° + cos® 120° + cos® 130° + cos” 140° + cos* 150° + cos* 160° +
+cos°170° +cos” 180°

Loi giai
Ap dung cong thiic cosa = cos(180° —a) , cos’ a+sin’ a =1 ta co:
M =cos’10° +cos” 20° +cos* 30° +...+cos*170° + cos” 180°
=c0s’10° +cos® 20° +...+cos” 80" + cos® 90° + cos® 80° +...+ +cos” 20° + cos’ 10° + cos’ 90°
= 2(0052 10° +cos”20° +cos” 30° +...+ cos” 80 + cos’ 900)
= 2(sin2 80° +...+sin” 50° + cos® 50° +...+ cos’ 80° + cos’ 900) =8
RUT GON BIEU THUC LUQNG GIAC. PANG THUC LUQNG GIAC
Rut gon biéu thirc 4 = (1 —sin’ x).cot2 X+ (1 —cot’ x)

Loi gidi

A= (l—sin2 x).cot2 x+(1 —cot’ x) = cot’ x—cos’ x+1—cot’ x =sin’ x.

/ < R ’ . 2 . 2
Rut gon biéu thirc M =(sinx+cosx) +(sinx—cosx)".
Loi gidi
. 2 . 2 . .

M =(sinx+cosx) +(sinx—cosx) =1+2sinxcosx+1—2sinxcosx=2.
, - , _ 4 . 4 2 -2 )2 8 . g
Rut gon biéuthtc  C =2(cos” x+sin” x+cos” xsin” x) —(cos” x+sin” x

Loi gidi
Taco:

8 . g 2 .2 )2 2 .2 2 .2
cos” x +sin’ x :(cos X + sin x) —2cos“ xsin“x=1—2cos” xsin” x

4 .4 \? 4 - 4 2 -2 4 . 4
= (cos X+ sin x) —2cos” xsin" x = 1—4cos” xsin” x+2cos” xsin” x
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= (1—2cos2 xsin’ x)2 —2cos* xsin*x = 1—4cos’ xsin® x +2cos* xsin* x.
Suyra:C = 2(1 —cos’ xsin’ x)2 -~ (1 —4cos” xsin® x +2cos* xsin* x)
C= 2(1 —2cos” xsin® x + cos* xsin* x) —(l —4cos” xsin® x + 2 cos” xsin* x) =1.

(sinx—cos x)2 -1

Cau 27: DPon gian biéu thirc 4= -
tan x —sin x.cos x

Loi giai
. 2 . .
T ,.A_(smx—cosx) -1 —2cosx.sinx _ —2cosx.sinxcosx —2cos’x _ 3 cot®
e A anx_sinx.cosx  sinx__ - sinx(l—coszx) T ety oot
————sinx.cosx

COS X

Cau 28: Tinh gia tri cta biéu thirc 4 =sin® a +cos® a +3sin’ acos’ & .
Loi giai

Ta co:
. . 2 . . .
sin® o +cos® a = (sm2 a + cos’ a) —3sin® « cos? a(sm2 a + cos’ a) =1-3sin*acos’ .

Suy ra: A =1-3sin’ acos” o +3sin* @ cos’ o =1.

1+sina +\/1—sina

Cau 29: Cho 0<a<ﬁ.Tinh\/ :
2 l-sina

1+sing

Loi giai

DétAz\/l+s%na+\/1—s%na
l-sinax 1+sina

2
Khidé A2 \/1+s?na+\/1—s%na _ 4
l-sinag V\l+sina cos’ a
2
cosa

Vi O<a<% nén cosa >0 dodo A=

DANG 5: GIA TRI LON NHAT, GIA TRI NHO NHAT CUA BIEU THUC LUQONG GIAC

Cau 30: Gia tri 16n nhét ctia O =sin® x+cos® x bang:

Loi giai
4 : 6 6 3 2
Taco Q=sin’ x+cos XZI_ZSIH 2x.
X . 3 3., 1 3.,
ViO<sin"2x<1l< -——<-=—sin"2x<0<«< —<1-—sin" 2x < 1.
4 4 4 4

Nén gié tri 16n nhat 13 1..

CAu 31: Gia tri 16n nhit cta biéu thitc M =7 cos® x — 2sin> x 1a.
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Cau 32:

Cau 33:

Loi gidi
M:7(1—sin2 x)—25in2x27—9sin2x.
Tacod: 0<sin’x<],VxeR<0>-9sin’x>-9,Vxe R<7>7-2sinx>-2,VxeR.
Gia tri lon nhét1a 7.
Tim gi4 tri nho nhét ciia biéu thitc P = cot* a +cot* b+2tan’ a.tan> b+2
Loi gidi

2

P= (co‘[2 a—cot’b) +2cot’ a.cot’ b+ 2tan’ a.tan’ bh+2

2
(cot2 a—cot’ b) + 2(00t2 a.cot’ b+tan” a.tan’ b — 2)+ 6

2 27\? 2 2 2 2
(cot a—cot b) +2(cot a.cot” b+tan” a.tan b—2cota.cotb.tana.tanb)+6

= (cot2 a—cot? b)2 +2(cota.coth—tana.tan b)2 +6>6

. [cot?>a=cot®b cot’a=1
Dau bang xay ra khi &
cota.coth =tana.tanb cot’b=1

cach=Z4 " gem.
4 2

Tinh gia tri lugng gidc con lai cuia géc x biét:

) 3 . 37 1 . T
a. siINx=—— Vol 1<x<—. b.cosx=—vo10<x<—.
5 2 4 2

3 s 5 .
c. cosng voi 0<x<90°. d. cosx:—g voi 180° < x < 270°.
Loi giai
sinx <0
3r cosx <0
aDonr<x<—=
2 tanx >0
cotx >0
sinx 3
3 4 tanx = :Z
T d6 véi sinx=——=cosx = —+/1—sin’x = —— = CosXx .
5 5 cosx 4
cotx =— —
sinx 3
sinx >0
T cosx>0
b.Do 0<x<—= )
2 tanx >0
cotx>0
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tan x = S Y :\/E

1 . 1
Tt d6 véi cosx:Z:>smx:\/l—coszx:g:> cosx

COS X 1
cotx = =—

sin x \/E

sinx >0
0 cosx >0
c.Do 0<x<90" = .
tanx >0
cotx>0
sinx 4
3 4 tan x = :E
Tir d6 véi cosx ===>sinx =+/1—cos’ x === cosx .
5 5 cosx 3
otx = - = —
sinx 4
sinx <0
cosx <0
d. Do 180" < x < 270" = .
tanx >0
cotx>0
sinx 12
5 12 tan x = :?
Tt dé v&i cosx = — — = sinx = —/1 —cos? x — ——= = COs X .
13 13 cosx 5
COtx: = —
sinx 12

Céu 34: Tinh gia tri lwong giac con lai ctia goc x biét

2) cosx = —— véi —§<x<0.b) cosxz% véi 270° < x < 360°.

NG

c) sinx:% vGi %<x<7r d) sinx:—% voi 180° < x < 270°.

Loi gidi
sinx <0
T cosx>0
a)Do ——<x<0= .
2 tanx <0
cotx <0
tan x — sin x __1
. 2 . - =—=
Tir d6 voi cosx:T :>smx:_\/1_0052x:_§:> Colsx 2.
> cotx = =-2
tan x
sinx <0
cosx>0
b) Do 270° < x <360° = )
tanx <0
cotx <0
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sin x 3
4 3 tan x = :_Z
Tl‘Id(’)Vél CosngjSinx:—ﬂl_COSzx:_gi Colsx 4 )
cotx = .
tan x 3
sinx >0
T cosx <0
¢)Do —<x<7m = .
2 tan x < 0
cotx <0
sin x 5
5 12 tanx = :_E
Tir d6 v&i sin x = — = cosx = —/1 —sin? x = ——= = COS X .
13 13 1 12
tan x 5
sinx <0
o o cosx <0
d) Do 180° < x < 270° = .
tanx >0
cotx>0

Tu do6 véi Sinx:——:>cosx:_\/1_sin2x:_ = COoS X )
cotx = —22

Céu 35: Tinh gia tri lwong giac con lai ctia goc x biét
iy 3m LT
a) tanx =3 vl T <x <—. b) tanx =—-2 V015<x<7r.

. .
c) tanx:—EV61%<x<7r d) cotx=3 V('717T<x<37ﬂ-.

Loi gidi

a) tanx =3 :>cotx:%

tanx =3 = Smx:3¢sin2x:9coszx:>sin2x—9(l—sin2x):0 :sinzxzi.
COS X 10
. 31 sinx <0
ViT<x<—=
2 cosx <0
. 3,10 J10
Do d6 sinx=———; cosx = ———.

10
1
b) tanx =—2 :>cotx:—5

sin x
tanx=-2 =

) ) ) ) 4
— -2 =sin*x=4cos’ x :>s1n2x—4(1—s1n2 x)zO =sin‘x=—.
COS X 5
o sinx >0
Vi —<x<7=>
2 cosx <0
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Cau 36:

NG

Do do6 sinx:z—s; cosx=———.
5 5

c) tanx:—% =cotx=-2

tanx:—li S X :—l:>4sin2x:cos2x :>4sin2x—1(1—sin2x):0:sinzx:l.
2 CcOS X 2 5
o sinx >0
Vi —<x<7=
2 cosx <0
, . 5 245
Do d6 sinx =—; cosx:—i.

5

d) cotx=3 :>tanx:%

1 sinx 1 . ) ) ) 1
tanx = — = :—:>9sm2x:cos2x:>9sm2x—<1—sm2x>:O =sin’ x=—.
cosXx 10
. 31 sinx <0
Vit<x<—=
2 cosx <0

. \10 3410
Do d6 sinx=———; cosx=———.
10 10
Tinh gia tri luong giac ciia cac biéu thirc sau:

a) Cho tanx — —2. Tinh: 4 — Scotx+4tan x _ 2sinx-+cosx

s - - .
S5cotx—4tanx cosx—3sinx

3 i — 1 _3
b) Cho cotx = /2. Tinh: B, = 200X —COSX " p _ SIMX—ICOSY
sin x + cos x sin x +3cos x

¢) Cho cotx:2.Tinh:C1:2S_mx+3cosx,CZ: > 2_ _
3sinx—2cosx COS~ X —SIN XCOSX
d) Cho sinx—=>,0< x <. Tinh: £ — Sot¥Fanx
5 2 cotx—tanx

8tan’ x +3cotx—1
tan x +cotx '

e) Cho sinx = %,900 < x<180°. Tinh: F =
Loi giai

5
5c0tx+4tanx__5+4'<_2) 21
5

a) tanx:—2:>cotx:—%:>A1:A1:

5c0tx—4tanx__7_4'(_2) 11
2
tanx = -2 = SIX :—2:>sin2x:4coszx:sin2x—4(l—sin2 x)zO:sinzx:—
CcOSx
sinx >0
+)TH1-O<x<£:> :>sin.x:i;c0sx:L
' cosx>0 JE JE
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2 1
254
2sinx+cosx \/§+\/§ J5
= 4= —
cosx —3sinx L_3l 5
NERERG
T ier s sin.x>0:> ) 2 1
. X T SINX = —=,COSX = ———
) TH2: 2 cosx<0 5 J5
2 1

2.
_ 2sinx+cosx 5 5

3
cosx—3sinx 1_|_3 2 7

NN
b) cotx:\/E:>C,Osx:\/§:>cos2x:2sin2x:>cos2x:2(l—cos2x):>cos2x:§
sin x
0< <7r:> sinx>0: \/5 ) 1
: x<— COSX = ,[—;sinx = —
) THI: 2 cosx>( 3 3
1 V2
3sinx—cosx 3'73_7 3-2
B == = ——54+42
sin x +cos x 1 \/7 1~|—f
= \/—
_3\F
p _sinx—3cosx 3 N3 _1-3V2  —1946V2
sinx+3cosx 1 +3\F 14342 17
V3 N3

™
Ll x <=
+) TH2: 5 {

sinx > 0 \F . 1
= COSX = — E;smx:—

cosx<0 NE)
3sinx—cosx 3 A3 342
B == = =—14+22
sin x +cos x 12 1—\/5
3
= V3
R f
p _sinx—3cosx _ 3 "\3 1+3V2 194612
sinx +3cosx 1 1— 3\/— 17
——3.
NE)
¢) cotx=2= cosx —2:>(:052x:4sin2x:coszxz4(l—cos2 x):coszx: 4
sin x 5
0< <7T:> Smx>0:> !
. x<— cosx—— =—
+) TH1: 5 cosx>0 \/— NG

Swu tdm va bién soan
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S .2
o - 2sinx+3cosx 505 2432
2 3-22

1 . -
3sinx—2cosx

1
3. =-2—"%~
= NERNE]
2 2 2
C — = :_:5
> cos’x—sinxcosx 4 1 2 2
5 55 5
T sinx>0:> 2 . 1
<< x < COSX = ——F—=,S1INX = —F—
+) TH2: 5 cosx<0 J5 V5

1
2—=—
C— 2sinx+3cosx /5

1 . - - -
3sinx—2cosx 1 2 3422
3——=42.—
= NEING]
o 2 2 25
> cos’x—sinxcosx 4 1 2 6 3
i_|_7.7 _
5 545 5
T sinx >0 3 4 sinx 3 4
do<x<—= =cosx=,[l—|=| =— =tanx= =—; cotx=—
2 cosx>0 5 5 cosx 4 3
cot x + tan x §+Z 25
—)E: = = —
cotx—tanx 4 3 7
3 4

inx >0 2
e) Tacd 90° <x<180° = S = cosx=— 1_1 :_&
cosx <0 3 3

=tanx = S x :_—1; cotx:—Zx/z.
COS X 2\/5
1 2
8.[_] 32421
2
Do d F o 8tan’ x+3cotx—1_ 22 8

tan x + cot x 1 o2 3

22

Cau 37: Chung minh cac dang thirc sau:

a) cos’x—sin*x=1-2sinx. b) 2cos’x—1=1-—2sin’x

¢) 3—4sin’ x =4cos* x—1 d) sin xcot x + cos x tan x = sin x + cos x
Loi giai
7 2 s 2 < 2 2 < 2
a) Tacd cos”x—sin“x==1—sin"x—cos” x =1—2sin" x.

b) Ta co 2coszx—1:2<1—sin2 x)—1:1—2sin2x.

c) Co 3—4sin2x:3—4(1—cos2 x>:4coszx—l.
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L . Ccosx
d) Ta c6 sinxcotx 4 cosxtan x = sin x.

Cau 38:

Cau 39:

Cau 40:

sin x .
—— +COoSX. =sIinx-+4Ccosx.

Sin x COS X

Chimg minh cac dang thirc sau:

a. sin® x+cos’ x =1—2sin” x.cos’ x b. cos* x —sin® x = cos® x —sin’ x
c. 4cos’x—3= (1 —2sinx)(1+2sinx) d. (H—cosx)(sin2 X —cos x + cos’ x) =sin’x
Loi giai
) ) 2 ) )
a. sin’ x+cos* x = (sm2 x + cos? x) —2sin” x.cos’> x =1—2sin* x.cos’ x
b. cos* x —sin* x = (0052 X —sin? x) <cos2 X +sin? x) =cos’ x —sin’ x
. . . 2 2 2
C. (1—2s1nx)(1+2smx) =1—4sin“x= 1—4(1—cos x) =4cos" x—3
d. (1+cos x)(sin2 X —cos x + cos’ x) = (1+cosx)(1—cosx)=1-cos’ x =sin’ x

Chitrng minh cac dang thirc sau:

a. sin*x—cos*x=1—2cos’ x =2sin’* x—1 b. sin® x.cos x + sin x.cos’ x = sin x.cos x
c. tan” x —sin’ x = tan” x.sin’ x d. cot® x —cos® x = cot® x.cos” x
Loi giai
a. sin* x —cos*x = (sin2 X —cos’ x) (cos2 X+ sin? x) = —cos’ x+sin’x
= —1+sin’ x+sin’x =2sin*x—1= 2(l—cos2 x)—l =1—2cos’x

. . . .2 2 .
b. sin® x.cos x + sin x.cos’ x = sin x.cosx(sm x -+ cos x) =sin x.cos x
) 2
n 1—cos” x

cos’ x

S
2 c .2 2 )
C. tan” x —sIin” x = > =tan” x.sin” x

cos’ x 2

—sin® x =sin’* x
cos’ x

— 1] —sin’ x.
2
cos
2 2
d. cot"x—cos" x=

X 2 2
———C0S” X =C0S" X
Sin X

1—sin® x
sin’ x

2 2
=cot” x.cos” x

2

2
———1|{=cos" x.
sin“x

Chitrng minh cac dang thirc sau:
l—cosx  sinx

1
a. tanx +cotx =—— b. - =
sin x.cos x sin x 14+cosx

1 1
c. + =1 d. [1— ! ][1+ ! ]+tan2x:0
l+tanx 1+4cotx COS X COS X

Loi giai

sinx cosx sin’x4cos’x 1
a. tanx +cotx = + = =

cosx sinx sin x.cosx sin x.cos x
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b.

1— i . . .
cosy _ Sy & (1—cosx)(1+cosx)=sin’ x < 1—cos’ x =sin’ x < sin’ x + cos’ x =1
sin x I+cosx

1 1 1 1 1 tan x
C. = + et —|— —
I+tanx l+cotx l+tanx | 1 l+tanx 14tanx
tan x
1 1 s 2 < 2 2 _1
a1 ][H— ]+tan2x:1— : +sm2x:sm x—l—c205 x—1_,
cos X cos X cos’x cos’ x cos’ x

Cau 41: Chung minh cac dang thirc sau khong phuy thude vao bién x:

a) A =—sin* x+cos* x+2sin’ x.
b) B =sin* x+cos” xsin® x +cos’ x.
¢) B=cos* x+cos’ xsin’ x +sin’ x
Loi giai
a) Tacé —sin® x+cos* x +2sin” x = (sin2 x —cos’ x) <sir12 x 4+ cos’ x) +2sin” x
=sin’x+cos’ x=1.
b) Ta c6 B =sin® x4+ cos® xsin® x 4+ cos’ x = sin’ x(sin2 x+ cos’ x) +cos” x
= 1.(sin2 x) +cos’x=1.
¢) Tacé B =cos* x +cos’ xsin” x 4 sin” x = cos’ x(cos2 x 4 sin’ x) +sin’ x

2 =2
=cos  x.1+sin"x=1.
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 1. GOC LUQNG GIAC. GIA TRI LUQONG GIAC CUA
GOC LUONG GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1: POI PON VI PO GOC

Caul: Goc co sd do 108° ddi ra radian 1a:

AZ . c.Z. p.Z.
5 10 2 4
Cau2: Néu mot cung tron c6 sd do 13 a° thi s6 do radian cua n6 1a:
A. 1807a. B. 1897 c. 22, ) S
a 180 180a
Cau 3: Cho gbc co sb do 405°, khi ddi goc nay sang don vi radian ta dugc
A.8—7T. B.9—7r. C.g. D.9—7T_
9 4 4 8
Cau4: Ddisb do cua goc 10 rad sang don vi do, phut, gidy ta dugc
A. 572°57°28. B. 1800°. C. %. D. 527°57°28.
A . . A =TT . LA \
Caus5: Gobccodsodo e thi goc d6 c6 so6 do la
A. -315°. B. —630°. C. —1°45". D. —135°.
Ciau 6: S do theo don vi radian ciia goc 405° 1a:
AE B. 1% c.Z. p. 7.
4 4 4 7
Cau7: Goc 70° c6 sé do bang radian la:
A Bz B. /%, c.2Z. p. %
7 18 7 9

Cau 8: Goc co sd do 120° ddi sang radian 1a
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

A Z B. 2%
2 3

T Vg
C. —. .—.

4 10
Goc lugng giac ¢6 s6 do o thi moi goc lugng giac cung tia dau va tia cudi voi nd cd so6 do dang
nao trong cac dang sau?

A. a+k180° B. o +£k360°. C.a+k2r. D.a+kr.

Trén duong tron luong giac
B0 1)

N

B(0; -1)

86 do ctia goc luong gide (04,0B') 1a

c.Z. p. Z.
4 2

Trén duong tron lugng giac, cho goéc lugng giac cd s6 do EY (rad) thi moi goc lugng giac cod
cung tia dau va tia cudi vdi goc lugng giac trén déu co6 s6 do dang:

T

AL B. 24k, (keZ). C.Z+k2m(keZ). D.=+kn,(kel).
2 22 2 2

Két qua nao sau day la dung?
B. 1(rad) = (@j . C.
/4

Két qua nao sau day la ding?

A. I(rad)=1°. 1(rad)=180°. D. 1(rad)=100°

A. 7m(rad)=360°. B. 7n(rad)=180°. C. n(rad)=1°. D. 7(rad)=360°.

Géc lugng giac (Ox,0t) c6 mot s6 do 1a %+20177r, s6 do tong quat cua goc luong giac
(Ox,01) 1a

RY/4

37 D. —+kr.
2

A. Z+k27r. B. Z+k7r. C.—+k2rx.
2 2 2

Cho goc lugng giac a =(0A;OB) = % Trong cac goc luong giac sau, goc ndo co tia dau va tia
cudi 1an luogt trung voi OA4,0B.

11 1
A Sz T c. D.

Or
B. .
5 5 5 5

Cho (Ou,OV) =25+ k360°(k € Z)Véri gia tri nao cua k thi(Ou,OV) =-1055°?

A k=-1. B. k=2. C. k=-3. D. k=4.

Cho (Ou, OV) =12°+ k360° véi gid tri nao cua k thi sé do (Ou,Ov) = 519—:?
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

A k=-1. B. k=2. C. k=-3. D. k=4.
Lo X ; ‘s 20067 . « ; \ R
Neéu s6 do goc lugng giac (Ou,Ov) = thi s6 do goc hinh hoc uOv bang
AL B. 2%, c. %z p.2%.
5 5 5 5

DANG 2: XAC PINH PQ DAI CUNG TRON

arR

Mot cung tron ¢6 s6 do a° ¢6 d6 daila [ = 120

Trén dudng tron ban kinh 7 ecm, 14y cung c6 s6 do 54°. Do dai [ cua cung tron bang

A. f—én (cm). B. %ﬂ' (cm). C. 3—372' (cm). D. %ﬂ' (cm).

Trén duong tron dudng kinh 8cm, tinh d6 dai cung tron c6 s6 do bang 1,5rad .
A. 12cm. B. 4cm. C. 6cm. D. 15cm.
Mot duong tron ¢6 ban kinh 15(cm). Tim d9 dai cung tron c6 goc ¢ tam bang 30° la:

AT B. % c. 2x. p. ~.
2 3 5 3

Mot dudng tron c¢6 ban kinh 10, d6 dai cung tron 40° trén dudng tron gan bang

A.7. B. 9. C.11. D. 13.

10
Mot duong tron ¢6 ban kinh R =—, d6 dai cung tron % la
T

A.S. B. 57. C. i D.
V4

vy

Chon khang dinh sai

A. Cung tron c6 ban kinh R =5cm va ¢6 s6 do 1,5(rad) thi co d6 daila 7,5 cm .

B. Cung tron ¢ ban kinh R =8cm va c6 d6 dai 8cm thi c6 s6 do do 1a (@] .
T

C. B dai cung tron phu thudc vao ban kinh cta no.
D. Géc lugng gidc (Ou,Ov) c6 s6 do duong thi moi goc luong gide (Ou,Ov) cé s6 do am.
Cho duong tron c6 ban kinh 6 ¢m. Tim sé do cta cung ¢ d6 dai 1a3cm :

A.0,5. B. 0’5. C. 0,57. D. 1.
V2

Cung tron ban kinh bang 8,43(cm) c6 s6 do 3,85(rad) co d¢ dai la

A. 32,46cm B. 32,45¢cm C. 32,47cm D. 32,5¢m.
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Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Mot ddng ho treo tudng, kim gid dai 10,57¢m . Trong 30 phut miii kim gio vach 1én cung tron co
d6 dai la
A. 2,77cm . B. 2,78cm . C. 2,76cm . D. 2,8cm.

Bénh xe dap c6 ban kinh 50cm. Mot nguo1 quay banh xe 5 vong quanh truc thi quang duong di

duoc la
A. 2507z'(cm). B. lOOOﬁ(cm). C. 5007r(cm). D. 2007z'(cm).

Mot du quay & cong vién ¢ ban kinh bang 10m. Téc do ciia du quay 1 3 vong/phut. Hoi mat
bao lau dé du quay quay duoc goc 270°?

A. 1 phut. B. 1 phut. C. 1 phut. D. 1,5 phat.

3 6 4
Trén duong tron luong gidc vai diém goc A, cung luong gidc ¢ sé do 30° c6 diém dau A, c6
bao nhiéu diém cubi N?

A. C6 duy nhit mot diém N. B. C6 hai diém N.
C.C6 4 diém N. D. C6 vo sb diém N.

Trén duong tron lwong giac goc A cho cac cung cé so do:

13
L % -’z . =% .z

4 4 4
Hoi cac cung nao c6 diém cudi tring nhau?
A.ChilvallL B. Chi I, I va II1. C. Chi ILII va IV. D.Chi I, T valV.
Luc giac ABCDEF ndi tiép trong dudng tron tdm O, diém A cb dinh, diém B, C ¢6 tung do
duong. Khi d6 s6 do lugng gidc cua cung (04,0C) 1a
A. 120°. B. —240°. C. 120°hodc 240°.  D. 120°+k360°.

Trén duong tron luong gidc c6 diém gde 1a diém A, diém M thudc dudng tron sao cho cung luong
gidc AM c6 sb do bang 45°. Piém N dbi ximg v6i M qua truc Ox, sé do cung AN 1a?

A. 45°. B. 45°hoac 315°. C. 45°+£k360°. D. 315°+£k360°.

Trén duong tron luong gidc c6 diém gde 1a diém A, diém M thudc dudng tron sao cho cung luong
gidc AM c6 s do bang 60°. Piém N dbi ximg vi M qua truc Oy, s do cung NA 1a?

A. 120°+k180°. B. 120° hodc —240°. C. —240°+£k360°. D. 120°+£360°.

Trén duong tron luong gidc c6 diém gde 1a diém A, diém M thudc dudng tron sao cho cung luong
gidc AM c6 s do bang 75°. Piém N dbi ximg vi M qua gbe toa do, s6 do cung AN 142

A. —105°+k360° . B. —105° hodc 255°. C.-255°+k360°. D. —105°

Cho hinh vuéng ABCD tdm O, dudng thang a qua O va trung diém AB. Xac dinh goc tao boi
duong thiang a va tia OA

A. 45°+k300°. B. 15°+k360°. C. 135°. D. 155°.
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Mot banh xe ¢ 72 ring, s6 do gbc ma banh xe da quay dugc khi di chuyén 10 ring 1a
A. 50°. B. 60°. C. 120°. D. 70°

Sau mot quing thoi gian 3 gio thi kim gidy s& quay dugc mot goc c6 sb do la:

A. 12960°. B. 32400°. C. 324000°. D. 64800°.
Sau quang thoi gian 4 gio kim gio s€ quay dugc mot goc la

AT B 2% c 3" b =
= = o =

Trén dong hd tai thoi diém dang xét kim gid OG chi sb 3, kim phuat OP chi s6 12. Liac d6 sd
(OP; OG) la

A.a:%; B.a::—z; C.a:>§+k2ﬁ. D.a:?m§+k2ﬁ

Trén dong hd tai thoi diém dang xét kim gidy ON chi sé 5, kim phat OP chi s6 6. Lac d6 sd
(ON,0G) 1a

<A.a::1£. B.a::—zz. (L(Z:Zi+k2ﬁ. D. a::—jzuszﬁ
12 12 1

Trén dong hd tai thoi diém dang xét kim gid OG chi s6 3, kim phat OP chi s6 12. Dén khi kim

phut va kim gio gip nhau lan du tién, tinh s6 do goc luong giac ma kim gid quét duge

A a=L+i2r. B.a=—" +knr. C.a="+kr. D.a=-" +k2r.
22 22 22 22

Trén duong tron dinh huéng cho ba diém A, M, N sao cho sb do cung AM :%, s6 do cung
AN = 7z . Ly diém P trén duong tron sao cho tam giac MNP cén tai P, tim sé do cung AP

AT i B. 2% s xox. C.Zikr. D. X ikor.
3 3 2 2

Trén duong tron dinh hudng cho ba diém A, M, N sao cho sb do cung AM :%, s6 do cung

AN = 3T7r Lay diém P trén duong tron sao cho tam giac MNP cén tai N, tim s6 do cung AP

AT k. B. % kox. C.Zikr. D. Zikor.
6 6 3 3

Trén duong tron dinh hudng cho ba diém A, M, N sao cho s@ AM = % , 80 do cung sd AN = l;_g

, tim k dé M trung v6i N

A.15(1+20m),meZ . B.15(1+10m),meZ. C.16(1+10m),meZ .D. 16(1+20m),meZ.
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Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Trén dudng tron dinh hudng cho ba diém A, M, N sao cho sd AM = % , sd AN = %, tim k dé

M d6i xtng voi N qua gbe toa do

A. 133(7+12m),m e Z. B. 133(5+12m),meZ.
C. 133(7+16m),m €Z D. 133(5+12m),me Z.

Trén duong tron dinh huéng, diém gbc  A. C6 bao nhiéu diém M théa min sé do cung

5
A. 5. B. 4. C.6. D. 3.
Trén dudng tron dinh hudng, diém gbc A. C6 bao nhiéu diém M théa min sé do cung
g =Tk
4 2
A. 3. B. 4. C.5. D. 6.

Trén dudng tron dinh hudng goc A ¢6 bao nhiéu didm M thoa man sd AM = 30°+ k45°,k € 7,
?

A. 6. B. 4. C.8. D. 10.
Cho hai goéc lugng  gidc  co sd(Ox, Ou) =45°+m360°meZ va sd
(Ox, OV) =—-135°+n360°neZ. Ta co hai tia Ou va Ov

A. Tao véi nhau goc 45°. B. Trung nhau.
C. Bdi nhau. D. Vudng goc.

Cho hai goc luong gidc ¢6 sd(Ox,Ou) =§+m2n,m eZ va sd(Ox,0v) = _%Mzﬁ,n cZ.Ta
cO haitia Ou va Ov

A. Tao véi nhau goc 45°, B. Trung nhau.
C. Bdi nhau. D. Vudng goc.

Cho hai goc lugng gidc  co sd(Ox, Ou) =45°+m360°meZ va sd
(Ox, OV) =-315°+n360°neZ. Taco hai tia Ou va Ov

A. Tao v6i nhau goc 45°. B. Trung nhau.
C. Bdi nhau. D. Vudng goc.
T
Cho hai goc lugng gidc ¢6 sd (Ox,Ou) = _577[+ m2x,meZ Va sd(Ox, OV) = ) +n2r,nel
. Khing dinh nao sau ddy dung?
A. Ou va Ov tring nhau. B. Ou va Ov ddi nhau.

C. Ou va O yuong goc. D. Tao v6i nhau mdt goc %
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Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

Biét goc luong giac (OM,OV) 6 s6 do 1a —13?7 7 thi gbc (Ou,Ov) ¢6 s6 do duong nho nhat 1a:

A. 0,67 . B. 27,4r. C. 1,4r. D. 0,47 .

C6 bao nhiéu diém M trén dudng tron dinh hudng gbc A4 thoa man sd 4M = % +kT”, keZ?

A. 6. B. 4. C.3. D. 12.

Hai géc lugng giac % va '711—;[ ¢6 cung tia dau va tia cudi khi m c6 gia trj 1a

A. m=4+24k. B. m=4+14k. C. m=4+20k. D. m=4+22k.

Cho luc giac déu 4,4,4,4,4,4,, 4,1a diém gbc, thir t cac diém sip xép nguoc chidu kim
ddng hd. S6 do cung 4,4,1a

A. 240°+£k360°. B. —240°+k360°. C. 240°+k180°. D. —240°+ k180°.

Cho goc lugng gidc (Ou,Ov) = %+ % ,timk d¢ Ou vudng goc voi Ov

A. k=3+121[. B. k=4+12]. C. k=3+6/. D. k=4+6l

DANG 3: XET DAU CUA CAC GIA TRI LUQNG GIAC
Cho goc o thoa min 90° < o <180°. Trong cac khang dinh sau, khang dinh nao ding?

A. sina <0. B. cosa>0. C. tana <0. D. cota >0.
Ry N A 4

Cho 2r<a < - Chon ménh dé dang.

A. tana > 0. B. cota <0. C.sina<0. D. cosa <0.

Cho 7<a < 377[, tim phat biéu dving trong cac phat biéu sau:

A. sinx > 0. B. cosx > 0. C. tanx > 0. D. cotx<O.

Cho goc & thoa 3z < a < —r. Tim ménh dé ding trong cac ménh dé sau.
2

A. cosa>0. B. cota>0. C.sina >0. D. tana > 0.

20217 2023
(0] 4 <x<

Ch . Khing dinh nao sau day dung?

A. sinx>0,cos2x>0. B. sinx<0,cos2x>0.C. sinx>0,cos2x <0.D. sinx<0,cos2x<0.

O goc phan tu thi nhat ciia dudng tron lugng giac. Hay chon két qua dang trong cac két qua sau
day.

A. sing >0. B. cosa <0. C. tana <0. D. cota <0.
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Cau 65:

Cau 66:

Cau 67:

Caiu 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cho2z <a < 57” Két qua diang 1a:

A. tana >0;cota >0. B. tana <0;cota<0.C. tana > 0;cotax <0.D. tana <0;cotax > 0.

Diém cudi ciia goc lugng giac @ & goc phan tu thir may néu sina, cosa clng dau?
A. Tht IL B. Thu IV. C.Tht II hodc IV.  D. Tht I hoac IIL
Diém cubi cua goc lugng gidc o & gbe phan tu thir may néu cosa =+/1-sin’ a.

A. Thu IL B. Tht [ hoac IL C.Tht II hogc .~ D. Tha I hogc IV.

Cho % < a < 7. Két qua ding la:

A. sina >0;cosa>0. B.sina<0;cosa<0.C. sina>0;cosa<0.D. sina <0;cosa >0.
O goc phan tu thtr tu cua dudng tron lugng gidc. hiy chon két qua ding trong cac két qua sau
day.

A. tana >0. B. sina >0. C. cosa>0. D. cota >0.
Cho o thudc gbc phan tu thir nhat cua dudng tron luong giac. Hay chon két qua dung trong céc
két qua sau day.

A. sina > 0. B. cosa <0. C. tana <0. D. cota <O0.
Diém cudi cta goc luong giac a & goc phan tu thir may néu sin e, tane trai ddu?

A. Thi L B. Tht II hoac IV.  C.Thtr II hoic .  D. Thi I hoac IV.
Diém cubi cua goc lugng gidc o & gbc phan tu thir miy néu sin’a =sina.

A. Tha IIL B. Thtr [ hoac IIL C. Tht I hodc II. D. Tht III hoac IV.
Cho a =1500° .Xét cau nao sau day ding?

I.sina=£. II.cosa=l. III.tana:\/g.
2 2
A.Chilvall B. Chi II va I11. C.Cal II va IIl. D. Chi I va IlIlL.

Cho 3z <a< 107” .X¢ét cau nao sau day dung?

A. cosa>0. B. sina <0. C. tana <0. D. cota <0.

Cho %T < a < 27 . Khang dinh nao sau day ding?

A. cosa>0. B. sina >0. C. tana >0. D. cota >0.

T r ’ A A
Cho £ < o < . Xét cac ménh dé sau:
2

I. cos z—a >0 . IL sin z—05 >0.III. tan z—05 >0.
2 2 2

Ménh d¢é nao sai?

A. Chi L. B. Chi II. C. Chi Il va IIL D.Cal, Il vaIIL
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Cau 77:

Cau 78:

Cau79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cho % <a < . Xét cac ménh dé sau day:

Va ) T T
I.cos(a+5]<0, II. sm(a+3j<0. III.cot[a+Ej>O.

Ménh d& nao dung?
A.ChiL B. Chi I va II. C. Chi IT va IIL. D.Cal IIvalll
Bét ding thirc nao dudi day 1a ding?

A. sin90° <sin150°. B. sin90°15' < sin90°30".
C. c0s90°30'>cos100°. D. cos150° > cos120°.

Cho hai goc nhon o va £ phu nhau. Hé thirc nao sau day la sai?

A.sina=—-cosf. B. cosa =sinf. C. cosf=sinax. D. cota=tan f.
Cho 0<a< % Khing dinh nio sau dy dung?
A. sin(a—7)>0. B. sin(a -7)<0. C. sin(a—7)>0. D. sin(a—7)<0.
Cho 0<a< % Khang dinh nao sau day dung?

A. cot(a +%j>0. B. cot(a+%}20. C. tan(a +7)<0. D. tan(a+7)>0.

Cho % < a < . Gia tri luong giac nao sau day luén duong?

A. sin(7+a). B. cos(%—aj. C. cos(-a). D. tan(7+a).

Cho 7<a< 377[ Khang dinh nao sau day dung?

A. tan(%—aj <O0. B. tan(%—aj >0. C. tan(%z—aj <0. D. tan(%—aj > 0.

Cho %< a < 7. Xac dinh du cua biéu thire M = cos(—%+aj.tan(7z—a).

A. M =0. B. M >0. C. M<0. D. M <0.

Cho 7<a< 37” Xac dinh d4u cta biéu thirc M = sin(%—aj.cot(7z+a).

A. M >0. B. M >0. C. M<0. D. M <0.
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DANG 4: TINH GIA TRI LUONG GIAC CUA MOT GOC LUONG GIAC

Cau 86: Cho cosaZ%l; (—ﬂ' <a< %J Tinh sine .

Cau 87:

Cau 88:

A. sina=ﬁ. B. sinazﬁ. C. sinazé. D. sina:@.
6 36 6 6
Tinh sina , biét cosa=§ va 3'77Z<05<27r.
AL, B. L. c 2 p. -2
3 3 3 3
Cho cosx—i (—£<x<0J thi sinx co gia tri bang
NE '
3 3 1 1
A, —. B. ——. C. ——. D. —
NG 5 5 NG

Ciu 89: Cho sina =% biét 0° < @ <90°. Tinh cos «;tan «

V15 V15 v15 V15
A. cosa =——;tanag =——. B. cosa =——;tanag = ———.
4 15 4 15
15 V15 V15 V15
C. cosa=——;tanax =——. D. cosa=——;tana=——.
4 15 4 15

Cau 90: Cho cosa = —% (90° < <180°), khi d6 tan bang:

B. —. C.———.
2 5

R /2 /i T
.5. -T-

A . 3 . e .
Cau 91: Cho s1na:§ va E<a<7r.G1atr1 cua cosa la:

16

B. -2 C.t o
25

5

A.

W A
(NN

A . 3 3z Coas s \ A \
Cau 92: Cho sma=—g va 7z<a<7. Khi d6 gia tri cia cosa va tana lan lugt 1a

A. —i;i. B. —i;—i. C.
54 57 4

(O NIN

D. 2
4

N|w
wn| A~

Cau 93: Cho cosa =—§ voi %<a < 7. Tinh gi4 tri cia biéu thirx M =10sina +5cosa .

A. -10. B. 2. C. 1. D.

NP
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Cau 94: Cho cosa :% va 777[ <a < 4x . Khang dinh nao sau day dung?
A. sina:—ﬁ. B. sinazi. C. sinazg. D. sina:—z.
3 3 3 3
Cau 95: Cho géc a théa man 2 ca<0va cosa:l. Gia tri ctia biéu thirc P=sin o+ ! bang
2 2 cosa
JNEEREN B 4=V3 c. 123 p, 143
2 2 2 2
Cau 96: Néu tana =% thi sin® ¢ bang
A L8 2 c. 2. p. 2
25 25 16 9
Ciu97: Cho tanx=3. Tinh P = 2SM¥—COSX
sin x +cos x
A.P:é. B.P:é. C. P=3. D.P:g.
2 4 5
Cau 98: Cho sina :l. Gié tri ctia biéu thirc A = _cota—tana bang
3 tana+2cota
AL B. L. L D. L
9 9 81 17
Céu 99: Cho tan x = —4. Gid tri cita biéu thitc 4 = 250X =3C0SX 1
3cosx+sinx
A. 13. B. -13. E D. 5.
11
. 2si -
Cau 100: Chotan @ =3, khi do gié tri cta biéu thic P =0 %~ 4,
3sina —5cosa
5 5
A P=——. B. P=—. C. P=1. D. P=-3
2 4
" e a2 , 3cosa—4sina | .
Cau 101: Cho cota =-3. Gia tri cia bi€u thurc P=— bang
2sina +cosa
A. -13. B. 13. C. -3. D. 3.
Cau 102: Cho cota =4tana va ae(%;ﬂj. Khi d6 sine bang
NpES B L 2B p. Y5,
5 2 5 5
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Céu 103: Néu tana +cota =2 thi tan® & +cot® & bang bao nhiéu?

A. 1. B. 4. C. 2. D. 3.

. 2 . .
Cau 104: Biét sina +cosa = - Trong céc két qua sau, két qua nao sai?

J6

A. sinacosa:—%. B. sina—cosa:irT_

D. tan’a +cot’ a =12.

oo|\1

C. sin*a+cos*a =

Cau 105: Néu cot(x + 7r) —tan

7\

x—%}:sin2 (—1445")+c0s2(1085") thi sin x bang.

A+ L. B. +2. C.. 1. D. .2
5 5 NG NG
Céu 106: Cho biét sina—cosa:%.Ké’t qua nao sau day dang?
) 3 ) 7
A. sina.cosa=—. B. sina+cosa=—-.
8 4
.4 4 21 2 2
C. sin” a +cos a:3—2. D. tan“a+cot"a=—

. y U 2sin” x +3sinx.cosx—4cos’ x
Cau 107: Biét tan x = —, gia tri cia biéu thirc M = 5 3 bang:
2 S5cos” x—sin” x

A L B. 2. c.-2 D. -5
13 19 19 19
Céu 108: Néu cot1,25.tan(47r+1,25)—sin(x+%j.cos(67z—x):0 thi tan x bang
A. 1. B. —1. C.0. D. Gia tri khac.
Céu 109: Biét tanx = 2b . Gia tri ctia biéu thitc 4 = a cos® x + 2bsin x.cosx +csin® x bang
a-c
A. 4. B. .. C. -b. D.b.
.4 4 -3
Cau 110: Néu bidt SX 4 €05 - 1 i pig thae X COSX e
a b a+b a
1 1
A1 . B. 5——. c. 1 . D. 5.
(a+b) a“+b (a+b) a’+b

Cau 111: Néu biét 3sin* x+2cos* x = g thi gi4 tri biéu thirc 4 = 2sin* x+3cos* x bang

101 y @ B. 103 hay 603 c. 105 105 hay 605 p. 107 107 hay 997 607
81 504 81 405 81 504 81 405
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. 4 4 - 10 10
Ciu 112: Néu 3%, € @ 1y pidu thire M =30 %4 % @ pang
a b a+b a b
1 1 1 1 1 1
ALl B. - c. .1l D. -
a b (a+b) a b (a+b)
. .. sina costa 1 " sinfa costa | .
Cau 113: Néu biet + = thi biéu thirc 4 =———+——— bang:
a b a+b a b
1 1 1 1
A. | B.——. C. | D.——.
(a+b) a +b (a+Db) a’+b

Cau 114: Néu 3cosx+2sinx =2 3 sinx <0 thj gi4 tri ding cua SINX ]a;

A2 B. L. c. -2 p. 12,
13 13 13 13
Cau 115: Néu sinx+c0sx=% thi 3sinx+2cosx bang:
S5-+7 S5+7 5-+5 S5++/5
A. V7 hay \/7 B. V5 hay f
4 4 7 4
2-4/3 2+4/3 3-+2 3+42
C. 5\[ hay Sf . D. 5\/_ hay 5\/7 .

DANG 5: GIA TRI LUONG GIAC CUA CAC GOC CO LIEN QUAN PAC BIET
Céu 116: Tinh L =tan20° tan 45° tan 70°

A. 0. B. 1. C. -1. D. 2.

Cau 117: Tinh G = cos2%+cos2 2?7[+...+cos2 5?7Z+cos2 T

A. 0. B. 1. C.2. D. 3.
CAau 118: Tinh 4 =sin390° —2sin1140° +3cos1845°

A. %(1+3\/§_2\/§). B. %(1—3\/5—2\/5). C. %(l+2x/§—3\/5)- D. %(1+2\/§+3\/5)'

tan225 —cot81.cot69 . .

Céu 119: Gia tri dung cta biéu thirc . —— bang:
cot261 +tan201
1 1
A —=. B. ——. C. V3. D. V3.
V3 V3
n . ., .2 , V4 2 o e
Cau 120: V61 moi goc a, biu thie cosa + cos a+g +cos a+? +...+cos a+? nhan gia tri
bang
A. 10. B. -10. C.1. D. 0.
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" , L2 T . .27 .25 .,
Cau 121: Tinh F =sin”—+sin" —+...4+sin”" —+sin” 7.
6 6 6
A. 3. B. 2. C.1. D. 4.
n ca 1:2 , . (57 .
Céu 122: Pon gian biéu thiac D =sin - e +cos(137 +a)—3sin(a—57).
A. 3sina—2cosa . B. 3sinax. C. 3sina. D. 2cosa +3sina .
Cau 123: Gia sit 4 =tanxtan (E—xj tan (EHC) duogc rat gon thanh A = tannx khi do6 , bang

A 2. B. 1. C. 4. D. 3.

Céu 124: Néu sin x =3cosx thi sinxcosx bing

A2 B. 2. c.l. D. 1.
10 9 4 6
A ;. . . . 3 M
Cau 125: V6i moi o thi s1n(7+a) bang
A. —sina . B. —coscx. C. cosc. D. sinx .
Cau 126: Gi4 tri cotggTﬂ biing
3 3
A3 B. 3. o3 C
3 3
Cau 127: Pon gian biéu thuc 4= cos(a —%), ta duoc:
A. cosa . B. sinx . C. —cosa . D. —sinca .
Céu 128: Néu sin’ o =% thi 1+tan’ & bang
A.g. B. 4. C.é. D.§.
8 2 9
Cau 129: Tinh P =cotl®.cot2°.cot3°...cot89°
A. 0. B. 1. C. 3. D. 4.

Cau 130: Gi4 tri cia biéu thire tan110° tan 340° + sin160° cos 110° + sin 250° cos 340° bang
A. 0. B. 1. C. -1. D. 2.

sin(-234° ) - cos 216"
(-234)

. - —.tan 36’ , ta dugc
sin144” —cos126

Céu 131: Rut gon biéu thirc A =

A.A=2. B. A=-2. C. A=1. D. A=-1.
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1 2sin2550°.cos(—1880)
+
tan 368’ 2¢c0s638" +cos98°

Céu 132: Gia tri cia biéu thuc A = bang:

A. 1. B. 2. C. -1. D. 0.
CAu 133: V&i moi a, biéu thitc: A = cos a+cos(0¢ %j-f‘ et cos(a 49—5ﬂj nhén gia tri bé“mg:

A. -10. B. 10. 0. D. 5.

Céu 134: Biéu thic 4= rt gon bang:

C.
sin(—328°).sin958° cos(—508°).cos(—10220)
cot572° - tan (-212°)

A. —1. B. I. C.0. D. 2.

DANG 6: RUT GON BIEU THUC LUONG GIAC. PANG THUC LUQONG GIAC
Céu 135: Biéu thuc D = cos® xcot® x+3cos’ x —cot® x + 2sin” x khong phy thudc x va bang:

A. 2. B. 2. C. 3. D. -3.
Céu 136: Pon gian biéu thiac D = sin(%[—aj+cos(l37r+a)—3sin(a—57r)
A. 2cosa+3sina. B. 3sina—2cosa. C. 3sina. D. 4cosa—sina.
Céu 137: Pon gian biéu thirc C = cos(z—aj—sin (3—”—aj+cos(a—7—ﬂj—sin(a—7—ﬂj
2 2 2 2
A. 2sina. B. —2sina. C. 2cosa. D. —2cosa.

cos’x—sin’ y

Cau 138: Biéu thiuc B = —cot” xcot” y khong phu thudc vao x,y va bang

sin” xsin® y
A. 2. B. 2. C. 1. D. —1.
. , 2 2cos’ x—1 L.
Cau 139: Rut gon bicu thitc A = —  , ta dugc két qua
Sin X + CoS X
A. A=sinx+cosx. B. A=cosx—sinx. C. A=cos2x—sin2x.D. A=cos2x+sin2x.

2 < 2
tan“a—sin“ a

Céu 140: Biéu thuc rat gon cua A = 5 5 bang:
cot a—cos a
A. tan‘a. B. cos‘a. C. tan‘a. D. sin‘a.
Cau 141: H¢ thuc nao sai trong bon hé thire sau:
1+si 1—si ’
tan x + tan +Ssina —Sina
A.—y=tanx.tany. B. \/ - —\/ - =4tan’a.
cotx+coty l-sina 1+sina
C sino cosa _1+cot2a D sina +cosa 2cosa
" cosa+sina cosa—sina l-cot’a " 1-cosa sinag—cosa+1
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Cau 142:

Cau 143:

Cau 144:

Cau 145:

Cau 146:

Cau 147:

Cau 148:

Cau 149:

2sin? x +3sin x.cos x + 4 cos’ x

Biét tanx=3 va M =

- - - Gid tri cia M béng.
Stan” x+6cot” x

_3 B. M= c.oM= D. M=

A. M= . = . . -2 .
47 137 1370 51

Gia stir 3sin4x—cos4x=% thi sin* x +3cos* x ¢6 gia tri bang

A. 1. B. 2. C. 3. D. 4
; <A ’ . 857[ ) ) 57[

Rut gon biéu thirc 4 =sin X+T +¢0s (20177 +x)+sin® (337 +x) +sin x=== ta dugc:

A. A=sinx. B. A=1. C.4=2. D. 4=0.

C6 bao nhiéu dédng thirc ding trong cac dang thirc sau day?

i) cos2a:+. iii) V2 cos| @ +Z | =cosa +sina.
tan” a +1 4
ii) sin(a—gjz—cosa. iv) cot2a =2cot’ o —1.
A. 3. B. 2. C. 4. D. 1.
." (l—tan2 x)2 1 .
Biéu thuc 4= 5 —— >— khong phu thudc vao x va bang
4tan” x 4sin” xcos” x
A. 1. B. -1. C.l. D. —l.
4 4
. (l—tan2 )c)2 1 .
Biéu thic 4= > —-— -— khong phu thudc vao x va bang
4tan” x 4sin” xcos” x
A. 1. B. 1. C.l. D. —l.
4 4

sin’515%cos (—475O ) +cot222°.cot 408°

Biéu thire 4= - - - -
cot415 .cot(—505 )+tan197 tan73

c6 két qua rit gon bang

A. lsin2 25°. B. lcos2 55°. C. lcos2 25°. D. lsin2 65°.
2 2 2 2
Biéu thirc:
. 20037 ,
A= cos(a+267r)—251n(a—77r)—cosl,57r—cos a+ +cos(a—1,57z).cot(a—87r) co
két qua thu gon bang:
A. —sina . B. sinax . C. —cosa. D. cosa.
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CAu 150: Biéu thuc tan(7z—x).tan(3—ﬂ+xj.——cos(—+xj.,; sin” (277 —x) ¢
2 cos? (x_37fj 2 sin (77 —x)

két qua rat gon bang:
A. sin’ x. B. cos’ x. C. tan’x. D. cot’x.

cos’ 696° + tan(—260").tan 530° — cos” 156°

Cau 151: Cho B= > 5 > 5
tan” 252" + cot” 342

. Biéu thirc thu gon nhét ctia B 1a:

A. ltan2 24° . B. lcot2 24° C. ltan2 18°. D. lcot2 18°.
2 2 2 2

sin515°.cos(—475° ) +cot 222°.cot 408°

Cau 152: Cho 4=
cot4150.cot(—505°)+tan197°.tan 73°

. Biéu thirc rat gon cua A4 bang:

A. lcos2 25°. B. —lcos2 25°. C. lsin2 25°. D. —lsin2 25°.
2 2 2 2
3
Cau 153: Cho biéu thirc M :Lnxs’ (x# —£+k7r, X # Z+k7z, k e Z), ménh dé nao trong cic ménh
(I+tanx) 2
dé sau diing?
A. M<1. B. M <I. C.MZ%. D.iSMsl
Cau 154: H¢ thuc nao sai trong bon hé thire sau:
fan x + t T+si I—sina |
+ —_
A. w:tanx+tany. B. \/ +s?na —\/ SNV~ 4tan a.
cotx+coty l-sina l+sina
C simeg sina 2 D sina +cosa 2cosa
" cosa+sina cosa-—sina 1-cot’a " 1-cosa sina—cosa+1
. 1 T
T . sina=-— ——<a<0
CAu 155: Tinh P = sin[a +Ej+c0s(37z—2a)+cot(7r—a), biét 2 va

DANG 7: GIA TRI LON NHAT, GIA TRI NHO NHAT CUA BIEU THUC LUQONG GIAC

CAu 156: Gia tri nho nhét cua M =sin® x +cos® x 1a.

A. 0. B D. 1.

N | —

1
7
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Cau 157:

Cau 158:

Cau 159:

Cau 160:

Cau 161:

Cau 162:

Cau 163:

Cau 164:

Cau 165:

Gié tri nho nhit cia M =sin® x +cos” x 1.

A. 0. B. % C. %
Gié tri 16n nhat cia N = sin® x — cos® x bang:

A. 0. B. 1. C. 2.
Gia tri 16n nhit cia M =sin® x +cos* x bang:

Al B. 2. C. 3.
Cho M = 6cos” x+5sin’ x . Khi d6 gia trj 16n nhat cuia M 1a.
A. 1. B. 5. C.6.
Gia tri 16n nhat cua biéu thire M =7 cos® x —2sin® x 1a.
A. 2. B. 5. C.7.
Cho M =5-2sin” x. Khi d6 gia tri 16n nhat cia M 1a.
A. 3. B. 5. C.6.
Tinh gi4 tri nh6 nhét cua F =cos’ a+2sina+2

A. -1, B. 0. C. 1.
Tinh gi4 tri 16n nhét cua E =2sina —sin” o +3

A. 2. B. 3. C. 4.
Gi4 tri 16n nhat cia M = sin® x — cos® x bang:

A. 0. B. 1. C. 2.

.11

. 16.
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| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 1. GOC LUQNG GIAC. GIA TRI LUQONG GIAC CUA

GOC LUONG GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

DANG 1: POI PON VI PO GOC

Goc ¢o s0 do 108° doi ra radian la:

A E. . c.z.
-5 10 2

Loi gidi
Ta co: 108" = 108 7 :3—7[.

180° 5
Néu mét cung tron ¢6 sd do 1a @° thi sb do radian cta né la:
A. 180rxa. B. 180”. C. .
a 180
Loi gidi

Je . ) A \ ;A . ar
S6 do radian cia mot cung tron ¢ s6 do a° la —.

Cho goc c6 s6 do 405°, khi dbi goc nay sang don vi radian ta duogc

A. 8—7T . B. 9—7T . C. 2 .
9 — 4 4
Loi giai
. R I3 o) . . T 97[
Khi do6i goc 405° sang don vi radian ta dugc 405x — = o

Doi s6 do ctia goc 10 rad sang don vi do, phut, gidy ta duoc
A. 572°57'28. B. 1800°. C. %.
Loi giai

Tinh duoc: 10rad = 2.180C> =572°57'28.

T

180a

D. 527°57'28.

Swu tdm va bién soan
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 10:

Goc c6 sd do _?Tﬂ thi goc d6 c6 sb do 1a
A. -315°. B. -630°. C. —1°45". D. —-135°.
Loi gidi
. ;A =T .. o A \
Goc c6 so do e thi gbc d6 co so6 do la:
—7.180 _ 315
S6 do theo don vi radian ciia goc 405° 1a:
4
A E B. 1~ c.Z. p. =
- 4 4 4 7
Loi gidi
Ta co: 405°_9 Vay 405° tuong ing voi 9—7[(rad)
“Tose 4 Y 8 U VoL 7 miee
Goc 70° ¢6 sb do bang radian 1a:
A 37 B~ c. 2 p. %
7 18 7 9
Loi gidi
. . T.a
Goc a’ ¢6 s6 do bang radian 1a —
.70 _Tx

Suy ra goc 70° ¢6 sb do bang radian 1a = rad
yrae s TIRTAGE

Goc ¢o sd do 120° doi sang radian 1a

AE B. 2% c.Z. D. Z.
2 -3 4 10
Loi giai
Ta c6 120° ddi sang radian 1a: Z 120= 2z raD.

Goc lugng giac ¢o s6 do o thi moi goc lugng giac cung tia dau va tia cudi voi no cd so do dang
nao trong cac dang sau?

A. a+k180° B. a+k360°. C.a+k2r. D.a+kr.
Loi giai

Trén duong tron lugng giac Y

86 do ctia goc luong gide (04,0B') 1a B0 1)

Swu tdm va bién soan
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Tir hinh vé ta 6 (O4,0B') = —% .

Trén duong tron lugng giac, cho goc luong giac c6 sé do % (rad) thi moi goc lugng gidc c6

cung tia dau va tia cudi vdi goc lugng giac trén déu co6 s6 do dang:

AL B. Z+kZ,(keZ). C Z+k2m(keZ). D.Z+kn,(keZ).
2 2 2 2 2

Loi gidi

Két qua nao sau day la dung?

A. 1I(rad)=1°. B. I(rad) = (@) . C.1(rad)=180°. D. 1(rad)=100°

T .

Loi giai

Két qua nao sau day la ding?

A. 7m(rad)=360°. B. 7(rad)=180°. C. n(rad)=1°. D. 7(rad)=360°.
Loi gidi

Géc lugng giac (Ox,0t) c6 mot s6 do 1a %+20177r, s6 do tong quat cua goc lugng giac
(Ox,01) 1a

A. £+k27r. B. £+k7r. C.—+k2rx. D. —+kr.
2 2 - 2

T 20177 = Z 4 7420167 = 4 k2n
2 2 2

. T . .4 .
Cho goc lugng giac a =(0A;0B) = 3 Trong cac goc lugng giac sau, goc nao co tia dau va tia

cubi lan lugt tring v6i O4,0B.
67 Iz 31z Or

A — B. ———. c.—. D. —
5 5 =5 5

3 2 =322
5 5
Cho (Ou,0v)=25°+k360°(k € Z)véi gia tri ndo cta k thi(Ou,0v)=-1055°?
A k=1, B. k=2, C.k=-3. D. k=4.
Loi giai
(Ou,OV) =25°+k360°=-1055°=k=-3

Cho (Ou,Ov)=12°+£360°véi gid tri ndo clia & thi sé do (Ou,0v) = 519—:?
A k=1, B. k=2. C. k=3 D. k=4.
Loi gidi

Page 3
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

(Ou,0v) =12°+k360° =%+k2ﬂ' =59—5”:> k=2
A A . . s 20067 . « r1s AN
Néu s0 do goc lugng gidc (Ou,Ov) = thi s6 do goc hinh hoc uOv bing
A Z B. 2% c. %z p. 2%
5 5 - 5 5

Loi giai

20067 o671

(Ou,0v) = =?+4007r2>u/0\v=6?”

DANG 2: XAC PINH PO DAI CUNG TRON

Mot cung tron cé sddo a® codddaila /= Cigg
Trén duong tron ban kinh 7 cm, ldy cung c6 s6 do 54°. Do dai  cua cung tron bang
21 11 63 20
A. —rx (cm). B. —7 (cm). C. —7x (cm). D. —7 (cm).
Loi giai

Taco l=7. >4 T :gﬂ(cm).
180° 10

Trén duong tron dudng kinh 8cm, tinh d¢ dai cung tron ¢6 s6 do bang 1,5rad.
A. 12cm. B. 4cm. C. 6cm. D. 15cm.
Loi giai

Tinh dugc: [=a.R= 1,5% =6(cm).

Mot duong tron c6 ban kinh 15(cm). Tim d¢ dai cung tron ¢6 goc & tam bang 30° la:

e B. % c. 2% p. =,

2 3 5 3
Loi giai

_7ra.R_7z.30.15_5_7r

180 180 2

[

Mot dudng tron c¢6 ban kinh 10, d6 dai cung tron 40° trén dudng tron gan bang

A. 7. B. 9. C.11. D. 13.
Loi giai

_ma.R 740.10 207

180 180 9

[ 7

10
Mot duong tron c6 ban kinh R =—, d6 dai cung tron % la
T

A.S. B. 57. c2 D.
T

w |y

Loi gidi

Swu tdm va bién soan
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

l—qr=0%_5
T 2
Chon khang dinh sai
A. Cung tron ¢6 ban kinh R =5cm va cé s6 do 1,5(rad) thicodo daila 7,5 cm.
e s (180
B. Cung tron c¢6 ban kinh R =8cm va c6 do dai 8cm thic6sédodola | — | .
V4

C. B¢ dai cung tron phu thudc vao ban kinh cua no.

D. Goc lugng giac (Ou,Ov) ¢6 s6 do dwong thi moi goc lugng giac (Ou,Ov) 6 s6 do am.
Loi giai

Cau goc luong giac (Ou,0v) =330%(0v,0u)=30°

Cho duong tron c¢6 ban kinh 6 ¢m. Tim sé do cta cung c6 d6 dai 1a3cm :

A.0.5. B 23 C. 0,57. D. 1.
T

Loi giai

I=aR=a=

L3 5

R 6

Cung tron ban kinh bang 8,43(cm) c6 s6 do 3,85(rad) ¢6 do dai la

A. 32,46¢cm B. 32,45¢cm C. 32,47cm D. 32,5¢cm.
Loi gidi

l=a.R=3,85.8,43=32,46

Mot dong ho treo tudng, kim gid dai 10,57¢m Trong 30 phut mili kim gio vach 1én cung tron c6

do dai la

A. 2,7Tcm. B. 2,78cm . C. 2,76cm . D. 2,8cm.
Loi giai

Trong 30 phat mii kim gio quét dugc mot goc la 27.0,5 _ %

I=aR=210,57=2,77
12

Banh xe dap c¢6 ban kinh 50cm. Mot ngudi quay banh xe 5 vong quanh tryc thi quang duong di
duoc la
A. 2507 (cm). B. 10007 (cm). C. 5007z (cm). D. 2007 (cm).

Loi gidi
Tacé r=50cm suyra [ =50.27.5=5007(cm).

Mot du quay & cong vién ¢ ban kinh bang 10m. Tdc do ciia du quay 1 3 vong/phut. Hoi mat
bao lau dé du quay quay duoc goc 270°?

A. % phut. B. % phut. C. — phut. D. 1,5 phut.

Page 5
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Tinh dugc: 270° = . — T =—n=—27r
Vay du quay quay dugc goc 270° khi n6 quay duogc % vong

Ta c6: Pu quay quay dugc 1 vong trong % phut

3 31 1
Pu quay quay dugc — vong trong —.— =— phut.
quay quay 4 g g 13 2 p

Cau 30: Trén duong tron luong gidc voi diém gde A, cung lugng gidc co s6 do 30° ¢o diém déu A, co
bao nhiéu diém cudi N?
A. C6 duy nhat mot diém N. B. C6 hai diém N.
C.C6 4 diém N. D. C6 v6 s6 diém N.
Loi giai
Céu 31: Trén dudng tron luong giac gbe A cho cac cung 6 sé do:
13
L2 T7 2ty 7
4 4 4 4
Hoi cac cung nao c6 diém cudi tring nhau?
A. Chilvall B. Chi I, I va IIL C. Chi ILIIT va IV. D.ChiI, Il valV.
Loi giai
Ta co %— (—%) =27 nén cung I va II trung nhau.
Vs Trx
e =187 =9.27 nén cung I va IV trung nhau.
Cau 32: Luc giac ABCDEF noi tiép trong duong tron tam O, diém A c6 dinh, diém B, C ¢6 tung do
duong. Khi d6 s6 do lugng gidc cua cung (04,0C) 1a
A. 120°. B. —240°. C. 120°hodc 240°.  D. 120°+k360°.
Loi giai
ABCDEF 1a lyc giac déu A0C =120°. Piém B va C ¢6 tung d6 duong nén luc gidc ABCDEF
c6 thtr tu dinh nguge chiéu kim dong hd. Vay sé do luong gide cung (04,0C) 1a 120° + k360°
Céu 33: Trén duong tron luong giac c6 diém goc 1a diém A, diém M thudc dudng tron sao cho cung luong
gidc AM c6 s do bang 45°. Piém N dbi ximg v6i M qua truc Ox, sé do cung AN 1a?
A. 45°. B. 45°hoac 315°. C. 45°+£k360°. D. 315°+k360°.
Loi giai
Didm N déi xtmg véi M qua truc Ox NOA = 45°, cung luong gidc (0A4,0N ) ngugc chiéu duong
nén s6 do lugng giac cung (OA, ON) =—-45°+£k360°=315°+£360°
Céu 34: Trén dudng tron luong gidc co diém goc 1a diém A, diém M thudc duong tron sao cho cung lugng
gidc AM c6 s do bang 60°. Diém N dbi ximg v6i M qua truc Oy, s do cung NA 1a?
A. 120°+£k180°. B. 120° hodac —240°. C. —240°+k360°. D. 120°+ £360°.
Page 6
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Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Loi giai
Piém N dbi xtmg v6i M qua truc Oy nén AON =180°—60° =120°, cung lugng giéc (04,0N)
cuing chiéu duong nén sd do lugng gidc cung (O4,0N) =120°+k360°

Trén dudng tron luong gidc c¢6 diém gdc 1a diém A, diém M thudc dudng tron sao cho cung luong
giac AM c6 so do bang 75°. biém N do6i xung véi M qua goc toa dg, so do cung AN 1a?
A. —105°+£360° . B. —105° hodc 255°. C.-255°+k360°. D. —-105°

Loi giai
Piém N doi xtng v6i M qua gdc toa do O nén AON =180°-75°=115° , cung lugng giac
(0A4,0N )ngugc chiéu duong nén sb do lugng gide cung (O4,0N)=-115°+£360°

Cho hinh vuéng ABCD tdm O, dudng thang a qua O va trung diém AB. Xac dinh goc tao boi
duong thiang a va tia OA
A. 45°+£k300°. B. 15°+k360°. C. 135°. D. 155°.

Loi giai
Goi I 1a trung diém cua AB, ta c6 AOI =45° | vay goc tao boi tia OA va dudng thing a bang
45° hoac 135°

Mot banh xe ¢ 72 ring, s6 do gbc ma banh xe da quay dugc khi di chuyén 10 ring 1a
A. 50°. B. 60°. C. 120°. D. 70°
Loi giai

, - .. 2 o \ 360 o
S6 do goc ma banh xe di quay dugc khi di chuyén 12 rang la 7'10 =50

Sau mot quéing thoi gian 3 gio thi kim gidy s& quay dugc mot goc c6 sb do 1a:

A. 12960°. B. 32400°. C. 324000°. D. 64800°.
Loi gidi

Trong 1 phut kim gidy quay dugc goc: 360°

Trong 3 gid kim gidy quay dugc goc: 360.3.60 = 64800°

Sau quang thoi gian 4 gio kim gio s€ quay dugc mot goc la
z 24z 3z
A. 3 B. 3 C. 1 D.
Loi gidi

NI

T
Sau 1 gio kim gio s€ quay dugc mot goc la °

MDY . MDY ~ A 4 \ ﬂ- 272-
Sau 4 gio kim gio s€ quay dugc mot goc 1a g-4 =3

Trén dong hd tai thoi diém dang xét kim gid OG chi sb 3, kim phuat OP chi s6 12. Liac d6 sd
(OP;0G) 1a

A.a:z. B. g=-2. C.a:£+k27r. D.a=—£+k27r
2 2 2 ,

Loi gidi
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Cau 41:

Cau 42:

Cau 43:

—

Ta céPOG:%,(OP;OG) nguoc chiéu dwong nén s6 do luong gidc cung
r
(OP;OG)=—E+k27r

Trén dong hd tai thoi diém dang xét kim gidy ON chi sé 5, kim phat OP chi s6 6. Lac d6 sd
(ON , OG) la

A.a:l. B.a:-l. C.a:£+k27z. 2.a=—£+k27z
12 12 12 12
Loi gidi
NOG =~ (0 ) : ,
Ta c6 12 cung ’ nguoc chiéu duong nén s6 do luong giac cung

(ON,OG)z—%+k27r

Trén dong hd tai thoi diém dang xét kim gid OG chi s6 3, kim phat OP chi s6 12. Dén khi kim
phut va kim gio gip nhau lan dau tién, tinh s6 do goc lugng giac ma kim gid quét duge
A-a=l+k27r. B-a=—£+k7z. C-a=£+kn’. Q-a=—1+k27z.
22 22 22 22
Loi giai

Khi kim phat chi s6 12, kim gio chi s6 3 thi sd (0G,0P) 1a %+ k27

Trong 1 gid, kim phuat quét duge mdt goc lugng gidc -2z, kim gio quét duge goc —%

Thoi gian tir lac 3h dén lic hai kim tring nhau Iin dau tién 1a % : ‘—27; - (—%j - %
Kim gid di quét duge mot goc co sd do 1a —Z i -
611 22

Viy sb do goc lugng gidc ma kim phut quét duoc 1a %+ k27

Trén duong tron dinh hudng cho ba diém A, M, N sao cho sb do cung Anm _% s6 do cung

AN = 7 . Lay diém P trén dudng tron sao cho tam giac MNP can tai P, tim s6 do cung AP

A EEOyS, B. 2% 4 kox. C.Zikr. D. X ikor.
3 3 2 2

Loi gidi

Xét truong hop sd MN = 2%

— MN
Tam giac MNP can tai P < PM = PN < sd PN = sdPM = Sdeg

Ap dung hé thire Sa - lo:
5@ (0A4,0P) = sd (OA,0M )+sd(OM,OP) = sd AM + sd MP =%+§ :27”
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Cau 44:

Cau 45:

Cau 46:

86 do lugng gidc (04,0P) = 277[+ k2
Lap lugng tuong tu véi truong hop xét sd M/Tvz_%[ ta dugc sd do luong giac

(04,0P) = —%+k27r
Viy Sé do luong giac (04,0P) = 2?”+k7r

Trén dudng tron dinh hudéng cho ba diém A, M, N sao cho sé do cung 4am =, sé do cung

3
AN = 37 Lay diém P trén duong tron sao cho tam giac MNP cén tai N, tim s6 do cung AP
T T V/d Vs
A Ztkr. B. —+k2rx. C. Z+kr. D. —+k2rx.
6 6 3 3

Loi gidi

Ta co sd AN = 2%
12

Tam giac MNP can tai N NM = NP < sdNM = sd NP = %

Ap dung hé thire Sa - lo:

5@ (0A,0P) = sd (OA,0N)+sd(ON,OP) = sdﬁ?\/+sdﬁ7’=%+?—z 27?7[

Sb do luong giac (04,0P) = 7?” + k2w

Trén duong tron dinh huéng cho ba diém A, M, N sao cho s@d AM = % , sb do cung Sd AN = ];_75
, tim k dé M trung véi N

A. 150+20m),meZ. B.150+10m),meZ. C.16(0+10m),meZ .D. 16(1+20m),m e Z .

Loi giai
Pé M trung v6i N thi ton tai mot sé nguyén [ sao cho sd AN —sd AM =12x

k—ﬂ-—%znﬂ<:>k—16=160[<:>k=16(1+10m),mGZ

80

Trén dudng tron dinh hudng cho ba diém A, M, N sao cho sq@ AM = % , sd AN = %, tim k dé

M d6i xtimg véi N qua gdc toa do
A. 133(7+12m),me Z.B. 133(5+12m),me Z.
C.133(7+16m),meZ . D. 133(5+12m),me Z.
Loi giai
Dé M dbi xtg v6i N thi ton tai mot sé nguyén ,,, sao cho s@ AN —sd AM = (2m+1)z

AT T (2m+1) 7 k—133=1596m+798 < k =133(7 +12m).m e Z

798 6
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Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Trén duong tron dinh huéng, diém géc A, C6 bao nhiéu diém M théa min sé do cung

am = k2r
5
A. 5. B. 4. C.6. D. 3.
Loi giai
Trén dudng tron dinh huéng ta co AOM = kz?” ) ma

0<A/OA\/[sz7z<:>0<sz”327z<:>0<k35:>cé 5 giad tri cua k. Vay ¢6 5 vi tri cua M trén
dudng tron

Trén dudng tron dinh hudéng, diém gbc A C6 bao nhiéu diém M thoéa min sb do cung

ang Lk
4 2
A.3. B. 4. C.s. D.6.
Loi giai
Trén duong tron dinh huéng ta cb Aom ==+ kf , ma

0<m£2ﬂ<:>0<%+k7ﬂ£27r<:>—%<k£%:>cé 4 gia tri cua k. Vay c6 4 vi tri cia M
trén dudng tron
Trén dudng tron dinh hudng goc A c6 bao nhiéu diém M théa min sd AM =30°+k45°,k € Z
?
A. 6. B. 4. C.8. D. 10.

Loi giai
Trén  duong tron  dinh  huéng ta c6  AOM =30°+k45°k€Z, ma
0< AOM £360°<:>0<30°+k45°s360°<:>—§<ks?:cé 8 gia tri clia k. Vay c6 8 vi tri
cua M trén duong tron
Cho hai géc lugng giac  ¢o sd(Ox, Ou) =45°+m360°meZ va sd
(Ox, OV) =-135°+n360°neZ . Tacéd hai tia Ou va Ov

A. Tao véi nhau goc 45°. B. Trung nhau.
C. Béi nhau. D. Vuodng goc.
Loi gidi

Ta c6 (Ox,0u)—(Ox,0v) = 45°—(~135°) = 180°

Cho hai gbéc luong giac ¢6 sd(Ox,Ou) =§+m27‘c,m eZ va sd(Ox,0v) :—%+n27r,n eZ.Ta

¢O hai tia Ou va Ov

A. Tao véi nhau goc 45°, B. Trung nhau.
C. Pbi nhau. D. Vuong goc.
Loi giai
Ta c6 (Ox,0u)—(Ox,0v) = KL L L
4 U 4) 2
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Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cho hai géc lugng giac  ¢o sd(Ox, Ou) =45°+m360°meZ va sd
(Ox, OV) =-315°+n360°neZ. Ta co hai tia Ou va Ov

A. Tao voi nhau goc 45°. B. Trung nhau.
C. Béi nhau. D. Vudng goc.
Loi giai

Ta c6 (Ox,0u)—(Ox,0v)=45°—(-315°) =360°

T
Cho hai goc lugng gidc ¢6 sd (Ox,Ou) = _577[+m2;r,m eZ va sd(Ox, OV) = —E-i- n2r,ne

. Khing dinh nao sau ddy dung?

A. Ou va Ov tring nhau. B. Ou va Ov dbi nhau.
C. Ou vy Ov vudng goc. D. Tao véi nhau mot goc %
Loi giai
Ta co (Ox, Ou) —(Ox, Ov) = —%—(—gj =-27
Biét goc luong giac (OM,OV) 6 s6 do 1a —13?7 7 thi gbc (OM,OV) ¢6 s6 do duong nho nhat 1a:
A. 0,67 . B. 27.4r. C. L4r. D. 0,47 .
Loi gii
Ta c6 (Ou,0v) = —1357“ =BT 28n=0,6n

C6 bao nhiéu diém M trén dudng tron dinh hudng gbc A4 thoa man sd AM = % +k?”, kez?

A. 6. B. 4. C.3. D. 12.
Loi giai
Trén duong tron dinh huéng ta cb AOM = % + k?” , ma

O<ms2;r<:>0<%+k7”327z<:>—1<k§5:>cc')6giétricﬁa k. Vay ¢6 6 vi tri cia M trén

dudng tron

P <7 T N M roN . A N e A . SRV ORE
Hai gdc luong gidc — va —= ¢0 cung tia dau va tia cuoi khi m c6 gia tri la
3 12

A. m=4+24k. B. m=4+14k. C. m=4+20k. D. m=4+22k.

Loi giai
Pé hai goc luong gidc trung nhau thi ton tai modt sO nguyén k sao cho
%—§=k2ﬂ<:>m—4=24<:>k:4+24k

Cho luc giac déu A1A2A3A4A5A6, 4,1a diém gbc, thu tu cac diém sip xép nguoc chiu kim

ddng hd. S6 do cung 4,4,1a
A. 240°+k360°. B. —240°+k360°. C. 240°+k180°. D. —240°+ k180° .
Loi giai
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Taco 22’0\1414 =240°, (OA - 0A4)nguqc chiéu kim dong ho nén sd 4, A4, = 240° + k360°

Ciu 58: Cho goc luong gidc (Ou, Ov) =%+]I—72T, timk & Ou vudng goc voi Ov
A k=3+12/. B. k=4+121. C. k=3+6/. D. k=4+6/
Loi giai

Pé Ou vudng goc véi Ov thi tdn tai mot sb nguyén / sao cho %+II—E =L iir e k=3+121

DANG 1: XET DAU CUA CAC GIA TRI LUONG GIAC

Cau 59: Cho goc « thod min 90° < & <180°. Trong cac khing dinh sau, khang dinh nao dung?
A. sina <0. B. cosa >0. C. tana <0. D. cota >0.
Loi giai

Khing dinh dung 13 tana < 0.

Cau 60: Cho 27r<a< 577[ Chon ménh dé dung.

A. tana > 0. B. cota <0. C.sina<0. D. cosa <0.
Loi gidi

, St .
Taco 27r<a<7 nén tana > 0.

Cau6l: Cho r<ac< 37”, tim phat biéu diing trong cac phat biéu sau:

A. sinx > 0. B. cosx>0. C. tanx > 0. D. cotx <0.
Loi giai
sinx <0
. RY/4 cosx<0
Tacd: r<a<—= .
2 tanx >0
cotx>0

Cau 62: Cho goc & thda _37” <& < —z. Tim ménh dé diing trong cac ménh dé sau.

A. cosa >0. B. cota >0. C. sina>0. D. tana > 0.
Loi gidi
YA
B
1 I
A A

il / v
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Cau 63:

Cau 64:

Do _3% - 4 <5 néndiém M biéu didn cung AM c6 sb ¢ thudc goc phan tu s6 I1. Do d6
2

sina > 0,cosa <0,tana < 0,cota <O0.

20217 20237
0 <x<

4
A. sinx>0,cos2x>0. B. sinx<0,cos2x>0.C. sinx>0,cos2x<0.D. sinx<0,cos2x<0.

Ch

. Khing dinh nao sau day dung?

Loi giai
Ta co 20217 <x< 20237 <:>5047z+577[<x<5047r+%[ nén sinx <0.
Lai co 20217 _ < 2023” o 202 o 20237 10107z+%< 2x < 10107r+37ﬂ

nén cos2x<0.

Sin 4

[N

COS

O goc phan tu thi nhat ciia dudng tron lugng giac. Hay chon két qua dang trong cac két qua sau

day.
A. sina>0. B. cosa <0. C. tana <0. D. cota <0.
Loi giai
Nhin vao duong tron lugng giac:
ASil'] tan
1|3 S cot
T
M)
—1 “ - A cos,
0 M )1
-1
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Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

-Ta thay & goc phan tu thtr nhét thi: sin« > 0;cos @ > 0;tana > 0;cotar > 0

=> chi ¢6 Cau A thoa man.

Cho2r <a< 57” Két qua dung la:

A. tana > 0;cota >0. B. tana <0;cota <0.C. tana > 0;cota <0.D. tana <0;cotaxr > 0.

Loi giai
\ St 4
Vior<a <7 nén tana > 0;cota >0

Diém cudi cia goc lugng giac @ & goc phan tu thir may néu sina, cosa clng dau?

A. Thu 1L B. Tht IV. C. Thtt IT hodc IV.  D. Tht [ hogc IIL.
Loi giai

Diém cubi cua goc lugng gidc o & gbe phan tu thir may néu cosa =+/1-sin’ a.

A. Thir 1L B. Tht [ hoic 1L C. Thtr IT hodc . D. Tha [ hodc IV.
Loi giai

Ta cod cosa=\/1—sin2a @COSQZ\/COSZQ C>COSO!=|COS0{|<:>COS6¥.

Ping thitc [cosa| <> cosa — cosa >0 —> diém cudi cua goc lugng gide o & goc phan tu tha

[ hoac IV.

Cho % < a < . Két qua ding 1a:

A. sina >0;cosa>0. B.sina<0;cosa<0.
C. sina>0;cosa<0. D.sina<0;cosa>0-.

Loi giai
/4 A
Vi E<05<7z nén tana < 0;cota <0.

O gbc phan tu tht tu cia dudng tron luong giac. hiy chon két qua dung trong cac két qua sau
day.
A. tana >0. B. sina >0. C. cosa>0. D. cota >0.

Loi giai

- O goc phan tu thir tu thi: sin o < 0;cosar > 0;tan e < 0;cotor < 0.
= chi c6 C théa man.

Cho o thudc goc phan tu thir nhit ciia duong tron lugng giac. Hay chon két qua diing trong cac
két qua sau day.
A. sina > 0. B. cosa <0. C. tana <0. D. cota <0.

Loi giai
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Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

sina >0

) . cosa >0
o thudc goéc phan tu thir nhat —
tana >0

cota >0

Diém cudi ctia goc luong giac a & goc phan tu thir may néu sin ¢, tane trai ddu?
A. Thu L B. Thir II hoac IV.  C.Thtt II hoac I. = D. Tha [ hodc IV.
Loi gidi

Diém cudi cua goc luong giac o & goc phan tu thir may néu sin’a =sina.
A. Tha IIL B. Thir [ hoac IIL C. Thtr I hoac 1L D. Thit III hoac IV.
Loi giai

Ta cd Vsin’ ¢ < sina < |sin a| =sina.

Ding thirc ‘sina‘ =sina —>sina >0 — diém cudi cua goc lugng gidc « & goc phan tu thir [

hoac II.

Cho a =1500° .Xét cau nao sau day ding?
Lsina :g' II. cos & :%. III. tan =\/§.

A.ChiTvalL B. Chi IT va IIL C.CaL I valll D. Chi I va IIL
Loi gidi

. . 3 1
Bam may ta dugc: sina :7; cosaza; tana = \/3

=>Ca I, II, III déu dung.

Cho 3r<a< 1077[ .X¢ét cau nao sau day dung?

A. cosa >0. B. sina <0. C. tana <0. D. cota <0.
Loi giai

Ir<a <10—” S2r+r<a< 2;z+7z+§nén o thudc cung phan tu th 111 vi vay dép an ding 1a

B

Cho %r < a < 27 . Khing dinh nao sau day ding?

A. cosa>0. B. sina >0. C. tana >0. D. cota >0.
Loi gidi

%T <a<2r = 3—”+£ < a < 27 nén a thudc cung phan tu tha IV vi vay dap an dung 1a A

T I ’ A A
Cho = < g < . Xét cac ménh dé sau:
2
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Cau 77:

Cau 78:

Cau 79:

I. cos z—a >0 . IL sin z—a >0.III. tan Z—oc >0.
2 2 2

Ménh dé nao sai?

A. Chi L. B. Chi II. C. Chi II va III. D.Cal, Il vaIIL
Loi giai

% <a<r= —% < a <0 nén a thudc cung phan tu thir IV nén chi 11, 11 sai.

Cho % <a < . Xét cac ménh dé sau day:

T . V4 T
I.COS[Ot +E]<O' I1. sm(a+3]<0. 1. cot(a+5j >0,

Ménh dé nao dung?

A.Chi L B. ChiIvalL C. Chi II va IIL D.Cal Il valll
Loi gidi

/4 ) 3z
E<a<7r:>7r<(a+5j<7 néndapanla D

Bét dang thuc nao dudi day 1a dung?

A. sin90° <sin150°. B. sin90°15'<sin90°30".
C. c0s90°30' > cos100°. D. cos150° > cos120°.
Loi giai

Cac goc trong dé bai déu 1a goc tu, cha ¥ rang cac goc tu thi nghich bién v6i ca ham sin va
COS
Tir d6 dé nhan thay phuong an dung 1a phwong 4n C.

A
Sin

Cho hai goc nhon « va g phu nhau. H¢ thirc nao sau day 1a sai?

A. sina=-cosf. B. cosa =sin f. C. cosf=sincx. D. cota=tan S.
Loi giai

Thudng nhé: cac goc phu nhau c6 cac gia tri lugng gidc bang chéo nhau

Nghia la cosa =sin B; cota =tan # va ngugc lai.
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Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cho 0<a< % Khing dinh nao sau dy dung?

A. sin(a-7)20. B. sin(a-7)<0. C. sin(a-r)>0. D. sin(a—7)<0.

Loi giai
Ta co 0<0£<%—)—7Z'<0{—7Z'<—%—>diém cudi cung O—7 thudc goc phan tu thir
Il — sin(a - ) <0.
Cho O<a<%. Khiang dinh nao sau day dung?
A. cot(a +%j>0. B. cot(a+%)20. C. tan(a+7)<0.  D. tan(a+7x)>0.
Loi giai
T T T T
O<a<——>—<a+—<m——>cot|a+—|<0
2 2 2 2

Taco

T RY/4
0<a<5—>7r<a+7r<7—>tan(a+7z)>0

Cho % < a < . Gia tri luong giac nao sau day luén duong?

A. sin(r+a). B. cos[%—a) C. cos(-a). D. tan(7+a).
Loi giai

sin(7 +a)=—sina; COS(E_(Z):SHW; cos(—a)=cosa; tan(7+a)=tana.

sina >0

T
Do 5<a<7z—> cosa <0
tana <0

Cho 7<a< 377[ Khiang dinh nao sau day dung?

A. tan 3—”—& <0. B. tan 3—”—05 >0. C. tan 3—”—0{ <0. D. tan 3—”—a >0.
2 2 2 2
Loi gidi
sin(3—ﬂ—aj>0
R4 Vs 2

, RY/4 RY/4
Tacdo T<a<——>0<——a<——m— ——tan| ——«a |>0.
2 2 2 2

Cho %< a < 7. Xéac dinh d4u cua biéu thie M = cos(—%+aj.tan(7r—a).

A. M =0. B. M >0. C. M<0. D. M <0.
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Cau 85:

Cau 86:

Cau 87:

Cau 88:

Loi gidi

s i T T
—<a<7r—>0<—5+a<5—>cos(—5+aj>0
Ta co — M >0.

T 7
E<0[<7Z’—)O<7Z’—0[<5—)tan(ﬂ'—0[)>0

Cho 7z<a<37”. Xéc dinh déu cua biéu thie M :Sil’l(%—aJ.COt(ﬂ'-l—a).

A. M >0. B. M >0. C. M <0. D. M <0.
Loi giai
RY/4 RY/4 T V.4 (7
T<O<— >——<—Q<—T—>nN<——a<————>sin| ——a |<0
, 2 2 2 2 2
Taco
RY/4 Sr
7r<a<7—>27r<7r+a<7—>cot(7r+a)>0
—M<0.

DANG 2: TINH GIA TRI LUQONG GIAC CcUA MOQT CUNG
-1 - ) )
Cho cosazz; —-rT<a <7 . Tinh sino .

A. sina:ﬁ. B. sina=3—5. C. sina=§. D. sinazi.
6 36 6 6
Loi giai

r , ; = A NCY
Ta co —ﬂ<a<7:sina<O.Nén sing =—1-cos"a =—,[1— ? =—T.

Tinh sine , biét cosazg va 377[<a<27r.

A B. ——. c 2 D. —=.
3

1
"3 3
Loi giai

Ta co: sinzozzl—coszozzl—ézi @sina:ig.
9 9 3
Do 377[<a<27z nén sina <0. Vay sina:—g.

Cho cosx == (—% <x< 0] thi sinx co gia tri bang

NG

B. - C. -

-
&=

3 3

Loi giai
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Cau 89:

Cau 90:

Cau 91:

Vi—%<x<0:sinx<0
2 Y 1
Ta co sin2x+coszx:1:>Sin2x=1—cos2x:1—(_j —_
J5) s

. 1
Vay sinx=——

N

Cho sina =% biét 0° < @ <90°. Tinh cos«;tan «
Ji5 J15 J15 J15
A. cosa =——;tanag =——. B. cosa =——;tanag = ———.
4 15 4 15
15 Jis J15 J15
C. cosa=——;tanag =———. D. cosa =——;tana =——.
4 15 4 15
Loi giai
sinoz—l
Ta co 4 :>cosa=i%;véri 0° < @ <90°nén cosazﬁ.
cos’a=1-sina=—
16
. 1 . sina 1 J15
Va sina =— nén tana = = = .
4 cosa \/E 15
2 0 0 . r M
Cho cosa =—< (90° < <180°), khi d6 tan bang:
a2 g, V2L c. -y p, Y21
5 - 2 5 3
Loi giai
) 4 21 ) 21
Ta co: smza:l—cosza:l——:—:>sma:£.
25 5
Vay, tana = S :—@
cosa 2
. 3 . e \
Cho sma=g va E<a<7r.G1a tri cua cosa la:
AL B. -2 c. +2, p. ¢
5 5 5 25
Loi giai
4
9 16 cosa =—
Ta cé: sin @ +cos’a =1 =cos’ a=1-sin‘a=1-—=— <
25 25 4
cosa:—g
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T 4
V15<a<7r :cosa:—g.

n . 3 . 3z co4s g s | A \
Cau 92: Cho sma=—g va 7z<a<7. Khi d6 gia tri cia cosa va tana lan lugt 1a

A. —i;é. B. —i;—é. C. i;—é. D. 2;—£.
- 54 5 4 5 4 4 5
Loi giai
A A ’ -2 2 y 2 .2 2 9 16 4
Ap dung hé thue sin“a +cos“a =1 ta c6: cos“a=1—sin"a < cos a=1—2—5=2—5= r

RY/4 4
Do ﬂ<a<7:cosa<O:cosa:—g

|
|u]\w

sina
tana = =

AW

cosax

(RN

Vay cosa = —i;tana :i.
5 4

A 4 ,. T , ., ., 2 , .
Cau 93: Cho cosa =—— v61 —<a <. Tinh gi4 tri ctia biéu thitc M =10sina +5cosc .

A. -10. B.2. C. 1. p. L.
4
Loi gidi
4 4V 9 3
cosa=——=sin“a=1-cos’ & :1—(——j =~ = sing=1+=
5 5 25 5

. a 3
V15<a<7r nén sma=§.

M =10sina +5cosa :10%+5.(—§j:2.

Cau 94: Cho cosa = 1 va 777[ <a < 4x . Khang dinh nao sau day dung?

2 22

A. sina =
3

Loi gidi
18 22

2
cosazl:sinzazl—cosza=l— —| =2 =sina=+——
3 3 9 3

22

Vi 7—”<a<47z' nén SiIlC(Z—T.
2

A . ) ~ T \ 1 croes o .2 , .
Cau 95: Cho goc o théa man 5 <a <0 va cos a=5 . Gia tri cta biéu thirc P=sina+
cosa

B. sinag=——. C. sinazg. D. sina:—z.
3 3 3

jz.

bang
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A. 4“/5. B.ﬂ. C.ﬂ. D. ”\/5.
2 = 2 2
Loi gidi

Cach 1: Ta c6: sin’ a@+cos” a=1<>sin’ a=1—cos’ a

2
Véi cos oz:l =sin’ a=1- l =§ & sin a=i—3
2 2 4 2

. T . ) 3
Vi —E<a <0 nén s1na<0:>s1na:—7.

Vay: P=sina+ ! :_£+l:__3+2:4_\/§
cosa 2 1 2 2
2
1
cosa=—
y .y e 2 T
Cach 2: Theo gia thiét: :a:—g.
——<a<0
Vay P=sina+ ! —sin| - Z |+ ! :—\/5:2:4_\/5
cosa ( j 2 2
cos| ——
3
Ciu 96: Néu tana :% thi sin* ¢ bang
A L6 B. . c. p. 2.
25 - 25 16 9
Loi giai
2
Ta co > =l+tan2a=1+(§j =£ :>cos2a=E:>sin2a=1—cosza=l—&=i.
cos’ o 4 16 25 25 25
CAu97: Cho tanx=3. Tinh p=2SMX=COSX
sin x +cos x
A.Pzé. E.P:é. C. P=3. D.P:g.
2 4 5
Loi giai
Taco tanx=3= S x =3=sinx=3cosx. Khido P= 2.3cosx—cosx = 500X :é.
COS X 3cosx+cosx 4cosx 4
Cau 98: Cho sina :l. Gié tri ctia biéu thirc A = _cota—tana bang
3 tana+2cota
A.l. B.z. C.1—7. Q.l.
9 9 81 17
Loi giai
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cosa sina
- 2 2
, cota—tana i cos"a—sin” a
Taco A= = Sna cosa _ - . -
tana+2cota sma+zcosa sin“a+2cos” a

cosa sina

(l—sin2 a)—sinza _1-2sina 7

sin’ a + 2(1 —sin® a) 2—sin‘a 17

2sinx—5cosx

CAu 99: Cho tanx =—4. Gid tri ciia biéu thirc 4=""—""""" |3
3cosx+sinx
A. 13. B. —-13. C. E D.5
11
Loi giai
sinx_Scosx
Ta c6: A=2s1nx—5c0sx= cosx " cosx :2tanx—5:2.(—4)—5=13.
3cosx+sinx 3C0SX  sinx 3+tanx 3+(—4)
COSX COSX
. - 2 2sina —
Cau 100: Chotan @ =3, khi do gia tri cta biéu thic P=—0 2 0%
3sina —5cosa
5 5
A.PZ—E. E.P=Z. C.le. D.P=—3.

Loi giai
2sina—cosa  2tana—1

T T 5
Chia ca tir va mau cuia P cho cosa # 0 ta dugc: P=— = =—.
3sinaa—5cosa  3tana—-5 4

3cosa—4sina

Céu 101: Cho cote = —3. Gia trj ctia biéu thire P ="—"— bang
2sina +cosa
A. -13. B. 13. C. -3. D. 3.
Loi giai

Chia ca tir va mau cua biéu thirc P cho sina , ta ¢co:

P 3cosa—4sina _3cota—4 3.(-3)-4 13
2sina +cosa 2+cota 2-3 )

Cau 102: Cho cota =4tana vy ae[ ;72). Khi d6 SIN& bing
a5 B L e 25
5 2 5
Loi giai

N

m|§|

=

cota
=4 cotta=4<1+cot’a=5

Tacod cota =4tana <
tan o

. 1 .
Rt =5<:>sm205=§<:>sma=i?.

sin’ a
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Viae 5;7[ nén sma=?.

Cau 103: Néu tana +cota =2 th tan® a +cot’ & bing bao nhiéu?
A. 1. B. 4. C.2. D. 3.
Loi giai

, 2
Tacod tana+cota =2 :>(tana+cota) =4= tan’a+cot’ a+2tana.cota =4

=tan’a+cot’a=2.

g 2 . .
Cau 104: Biét sina +cosa = B Trong cac két qua sau, két qua nao sai?

J6

A. sinacosa:_l. B. sina—cosa =+—.
4 2
. 7
C. sm“a+cos4a=§. D. tan’ a +cot’ a =12.
Loi gidi

. 2 . | . 1 . )
. s1na+cosa=7:>(s1na+cosa) = > sinacosa =~ Suy ra, dép 4n A ding.

.2 2 . 2 . B
*sin” o + cos a—1<:>(smcx—cosa) +2sinacosa =1.

o (sinaz—cosoz)2 :1—2(—ij =%.

6
+——. Suy ra, dép 4n B dung.

Suy ra, sina —cosa ==+ 5

%

. . 2 ) 1)y 7
e sin*a+costa = (sm2 a+cos’ a) —2sin’ acos’ a =1 _2(_Zj =3 Suy ra, C dung.

7
- 4 4 —
) 5 siIn" a+cos «a 8
e tan" o +cot” a = =

sin’ a cos’* a 1
4

j =14 .Suy ra, tan” & + cot” o =12 sai.

Cau 105: Néu cot(x-i—ﬂ)—tan(x—% :sinz(—1445")+c0s2(1085”) thi sinx bang.

A +1 B.i%. c.p L. D. +

N | =

2,
V5

-

Loi giai

cot(x+7)- tan(x —%) =sin’ (—1445” ) +cos’ (1085”) .
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1 1 2
& —cotx—cotx=lcotx=——Stanx=-2=>sina=ft—=+—.
2 Jtcot?a 5
Céu 106: Cho biét sina —cosa :%. Két qua nao sau diy ding?
. 3 . 7
A. sma.cosa:§. B. sina+cosa=—-.
. 21 14
C. s1n4a+cos4a:3—2. D. tan2a+cot2a:?.

Loi giai

. 2
o 1-(sina—cosa)” 3
Tacod sinacosa = 2 :§.

2
sin* o +cos* =(sin20:+coszoz)2 —2sinacos’a=1-2. 3 =£.
8 32

2sin® x +3sin x.cos x —4 cos’ x

Cau 107: Biét tan x = 1, gi4 trj cta biéu thic M = —— ing
2 5cos” x—sin” x
A -3 B. 2. c.-2. D. -3
13 19 19 19
Loi gidi
Céch 1:

Chia ca tir vamau ciia M cho cos? x ta co:

) .
) s1n2x Jr3s1nx.c2:osx _4 2.1_‘_3_1_4 .
M =_C0os"x cos” x __4 2 __9S
5_ sin” x 5_1 19°
cos’ x 4
Céch 2: Ta co: tanx=l<:> sin x =l<:>cosx=2sinx,thay cosx=2sinx vao M :
COS X
B 2sin? x+3sinx.25inx—4.(2sinx)2 _ —8sin’ x 8
5.(2sinx)2—sin2x 19sin* x 19°

Céu 108: Néu cot1,25.tan(47r+1,25)—sin(x+%).cos(67z—x) =0 thi tan x bang

A. 1. B. 1. C.0. D. Gia tri khac.
Loi gidi

cotl,25.tan (47 +1, 25)—sin(x+%].cos(67r—x) =0.

cotl,25.tan1,25—cosx.cosx=0.

l-cos’x=0=sin*x=0=sinx=0=tanx=0.
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Chu 109: Biét tan x = —22
a—cC

A.a. B. a. C.b. D.b.
Loi giai

. Gia tri ctia biéu thiic 4 = acos” x +2bsin x.cos x +csin” x bang

A=acos” x+2bsin x.cos x + csin’ x < =a+2btan x+ ctan® x

2

cos’ x
i i 2 Y 2b 2 Y
<:>A(1+tan x):a+2btanx+ctan xS A1+ — | |=a+2b——+c| —
a-c¢ a-c a—c
(a—c)2+(2b)2 a(a—c)2+4b2(a—c)+c4b2
<4 2 = 2
(a=0) (a=c)
. .. sin*x cos*x 1 .2 sinx  cos’x &
Cau 110: Néu biet + = thi bi€u thic ——+——— bang:
a b a+b a b
1 1
A1 . B. 5——. c 1 . D. 5——.
(a+Db) a”+b (a+b) a’+b
Loi giai
bat
sin” x = u, (OSusl) — cos’x=1-u.
sinfx cos*x 1 w2 (1—11)2 1 b112+e1(1—u)2 1
Tu + = tasuyra —+ = = = .
a b a+b a b a+b ab a+b

(a+b)u2 ~2au+a 1

:>(a+b)2 u’ —2a(a+b)u+a(a+b):ab-

ab “a+b
2 a
:>(a+b)2u2—2a(a+b)u+a2:03[(a+b)u—a} :O:}u:m'
Suy ra
sin? x = —2
a+b
’ b
cos’x =
a+b
i) (%)
in’ ’ +b +b
DOdéAZSIn3X+C083X: a b, a b) . 1 :
a b a b (a+b)

Cau 111: Néu biét 3sin® x+2cos* x = g thi gia tri biéu thirc 4= 2sin® x+3cos’ x bing

A LOLp 0L 103 603 105y 605 107y 60T
81 504 81 405 81 504 81 405
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Loi giai
Ta co sin4x—cos4x=%—A <:>cos2x=A—%

in* 128 <:>1—lsin22x:l §+A <::>l+lcosz2x:l §+A
5(sm X+ cos x)_81+A 5 5 D) 5|31

81
2
<:>1+(A—%j :g(AjL%]:%(A_%jJrﬂ
81 5 81 5 81/ 405
E]
bat A—%:t:ﬂ_zthi:O@ 45
81 5 405 t—l
9
1) =2 o 42097
45 405
9 81

sin'® a . cos'’ a

. 4 4
o . sin“a cos'a 2 , 5
Cau 112: Néu + = thi bi€u thac M =— — bang.
a b a+b a b
ALl B. L _. c.L,Ll. D
a> b (a+0) a b (a+Db)
Loi giai
sin*a  cos*a 1 sinfa cos*a  sinfa  cos’a
-+ = < -+ = -+ .
a b a+b a b a+b a+b
., (sinfa 1 , (cosa 1
< sint o — +cos” o — =0.
a a+ b a+b
., bsin®a—acos’a , acos’a—bsin’«a
< sin” o +cos” & =0
a(a+b) b(a+b)

< b*sin* o —2absin® acos’ a+a’cos* ¢ =0.

- 2 2
. 1
<:>(bsm2a—acosza)2=0<:>sm a_Los .
a b a+b
. 1 1 1
Do do M = + -cos’ a = -

(a+b)'sina  (a+b) (a+b)

.4 4 - .8 8
Céu 113: Néubiét S22 195 @ _ 1y pigu thie 4= % €5 @ ping.
a b a+b a b
1 1
AL B. . c.—1 . D. .
(a+b) a +b = (a+b) a’+b
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Cau 114:

Cau 115:

bat sin’ a =u, (OSuSl) =cos’a=1-u.

u’? (l—u)2 1 bu2+a(1—u)2 1

sinfa costa
—+ =
a+b

a b

Tu

tasuyra —+ = =
a+b W a b a+b ab

(a+b)u2—2au+a 1

2 2_ _
s b :>(a+b) u 2a(a+b)u+a(a+b) ab

b2 2_2 b 2:0 b _ 2:0 _
= (a+b) u’-2a(a+b)u+a :>[(a+ Yu a] = —

sin® a =
Suy ra

. g
) sin® &
Do dé 4= pe e pe B

4 4
a b
cos’ a (a+b} (a+bj 1
+ = + =

(a+b)

Néu 3cosx+2sinx =2 vy sinx <0 thj gig trj ding ctia SN X 1a:

A, 2 B. - c. 2 12

= 13 13 13’ 13
Loi giai

ta co: 3cosx+2sinx:2<:>(3cosx+2sinx)2 =4,

< 9cos’x +12cosx.sin x + 4sin’ x =4
cosx=0

< 5c0s’x +12cosx.sin x = 0 < cosx(5cosx +12sinx) =0 < ,
Scosx+12sinx=0

Véi cosx=0 =sinx=1 loai vi sinx<0.

) . 5 +12sinx=0
Vi Scosx+12sinx =0, ta ¢c6 hé phuong trinh: cosx S‘m *
3cosx+2sinx=2 12

L. 1 . .
Neéu smx+cosx=5 thi 3sinx+2cosx bang:

A 5-7 54407

A hay . B. 55 hay 5+\/§.

4 7 4
2-3 243 3—J§1my3+JE

ha . D
5 Y s 5 5

Loi giai

C.

Ta bién d6i: (3sinx+2cosx)=2(sinx+cosx)+sinx=1+sinx.

Swu tdm va bién soan
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Cau 116:

Cau 117:

Cau 118:

) 1 ) 3
Tw s1nx+cosx=5:> smx.cosx=—§

1 3

Khi d6  sinx, cosx 1a  nghiém cua phuong trinh X Z_EX —§:O
| \ X:1+\/7
X oo X-220o8X —4X-3=0c 4
2 8 1-v7
X=—-
4
Véi sinx = suy ra (3sinx+2cosx):1+1+£;/7:5+4\/7
Véi sinx = 1V suy ra (3sinx+2cosx)=l+1_4;/7 = 5_4ﬁ

DANG 3: GIA TRI LUONG GIAC CUA CAC CUNG CO LIEN QUAN PAC BIET

Tinh L = tan 20° tan 45° tan 70°
A 0. B. 1. C. 1. D. 2.

Loi giai
Chon B

L =tan 20° tan 45° tan 70° = (tan 20° tan 70° ) tan 45°

= (tan 20° cot 20° ) tan45° =1

, T 2 Y4
Tinh G = cos® g+ cos? ?+ ...+ cos? ?+ cos’

A. 0. B. 1. C.12.

=
(']

Loi giai

T 27 Y4
G=cos’ = +cos’ == +...+cos’ ——+cos’ 7
6 6 6
T T T 27 Sx
G = cos? €+ cos? ?+ cos? 5+ cos? T+ cos’ =—+cos’ 7

2T . T 2 T 2w . L, 21 2
= 08" —+sin" —+cos” —+cos" — +sin" —+cos” 7
6 6 2 3 3

Tinh 4 =sin390° —2sin1140° +3cos1845°

A. l(1+3\/§—2\/§). B. 1(1—3J§—2J§). C. l(1+2\/§—3\/E). D. l(1+2\/§+3\/5).
2 2 2 2
Loi giai
A=5sin390° —2sin1140° + 3 cos1845°

:sin(2.180° +30°)—2sin(6.180° +60°)+3cos(10.180° +45°)
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— §in 30° —25in 60° + 3 cos 45° =l—2.£+3.£:1.(1—2ﬁ+3ﬁ).
2 T2 2 2
Cau 119: Gi4 tri dung cta biéu thirc tan225 —cot81.cot69 bang:

cot261 +tan 201

A.%. B. —%. c. V3. D. 3.

Loi giai

tan 225° —cot81°.cot 69° tan (180°+45°) — tan 9°.cot 69°
cot261°+tan201°  cot(180°+81°)+ tan(180°+21°)

_I-tan9°.tan21° 1 1
tan9°+tan21° tan(9°+21°) tan 30°

=1+0+1+1=3
" L. ., .2 , T 2r o N
Cau 120: V61 moi goc a, biéu thic cosa + cos a+g +cos a+? +...+cos a+? nhan gia tri
bang

A. 10. B. -10. C. 1. D. 0.
Loi gii

) Sr /4 or 2r T
Tacd cosa@ =—cos| a+— |; cos| a+— |=—cos| a+— |; cos| a+— |=—cos| a+— |;
5 5 5 5 5
RY/4 8 4r Or
cos| a+— |=—cos| a+—|; cos| a+— |=—cos| a+—|.
5 5 5 5

T 2r Or
Do d6 cosa +cos a+g +cos a+? +...+cos a+? =0.

Cau 121: Tinh F = sin2%+sin22?7T+...+sinz%ZJrsin2 .
C.1. D. 4.
Loi gidi

A3, B.2.
Ta co F=sin2£+sin22?”+...+sin25?ﬂ+sin27r
L 2T . A TT . AT .22 ., 51 .,
=SIn" —+Ssmn" —+Ssin"- —+Sin"- —-+S1n ?+Sln T
LT T
=2|sin’ =+cos* = |+1+0 =3.
6 3
n e 1R , . (57 .
Cau 122: Pon gian biéu thirc D =sin - +cos(137 +a)—3sin(a -57).

B. 3sinax. C. —3sinax. D. 2cosa+3sina.
Loi giai

A. 3sina—2cosc .
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. [ 57 )
Taco D= sm(——aj+cos(137z+a)—SSln(a—57r)
:sm(——aj+cos(7z+a)+3sm(7z—a) =cosa—cosa+3sina =3sina .

/1 /s .
Cau 123: Gia sit 4 =tanxtan (—— xj tan (E+ xj duogc rat gon thanh A = tannx khi d6 , bang

C. 4. D. 3.

Loi giai

Ta c6 A:tanxtan[z—xjtan(erxj = tan x. V3 —tanx , V3 + tanx = tan x
3 3 1++/3tanx 1-+/3tanx

A. 2. B. 1.

3—tan’ x
‘1-3tan’ x

_3tanx—tan3x

;— =tan3x.
1-3tan” x
Céu 124: Néu sin x =3cosx thi sinxcosx bing
A2 B. 2. c. 1. p. L
10 9 4 6
Loi giai
Ta co
- -1
COS.X:E
cosx——L 3
10 sinx =——
sin® x+cos*x =1 10cos* x =1 Jio J10
inx=3 e =3 cossz < 1
sinx =3cosx sinx=3cosx \/E sy =
. J10
sinx =3cosx 3
sinx =——
i J10

Suy ra sin xcosx =—.
10

Cau 125: V&i moi « thi sin(%Jraj bang
C. cosc. D. sina .

Loi giai
. (3n ) T ) V4 (T
Cach 1: Ta co sin 7+a =sIn 27r+a—5 =sin a—z = —sin E—a =—cosc.

. (37 . 3r ) T )
Cach2: Taco sin| —+a :sm7cosa+smac057=(—1)cosa+sma.(0):—cosa.

A. —sina . B. —cosa.

Cau 126: Gia tri cotggTﬂ bang
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Cau 127:

Cau 128:

Cau 129:

Cau 130:

A3 B. V3. C.ﬁ. D. —ﬁ.

3 3
Loi giai
b4
Ta co: cot89_7Z = cot(147r+—j - cots_” = —\/g_
6 6 6
Pon gian biéu thirc 4= cos(a —%) , ta duoc:
A. cosa . B. sinc . C. —cosa . D. —sina .
Loi giai
V4 V4 )
Taco: A=cos|a—— |=cos| ——a |=sina.
2 2
Néu sin? :% thi 1+ tanz 194 bﬁl’lg
A2 B. 4. c3. p. 3.
8 2 9
Loi giai

, . 2 .
Ta co: coszazl—smza:g ma l+tan’a = -

:>1+tan2a:%.

cos” «

Tinh P=cotl.cot2 .cot3 ...cot89 .

A. 0. B. 1. C.3. D. 4.
Loi giai

Ta co:

cot89°=tanl1° = cotl°cot89°=cotl°tanl®=1.
cot88° =tan2° = cot2°cot82° =cot2°tan2° =1.
cot46° =tan 44° = cot44°cot46° = cot44°tan 44° =1.
Vay P =cotl°cot2°cot3°...cot89° =cot45°=1.

Gi4 tri ctia biéu thirc tan110° tan 340° + sin160° cos 110° + sin 250° cos 340° bang
A. 0. B. 1. C. -1. D. 2.
Loi giai
A=tan110°tan340°+sin160°cos110°+sin 250°cos 340°
A= tan(90°+ 20°)tan(360°—20°) + sin(180°— 20°)cos(90° + 20°)+
+ sin(360° —110°)cos(360°— 20°)
A =cot20°tan 20° —sin 20°sin 20° —sin110°cos 20°

A =1-sin?20° —sin (90° + 20°) cos 20°
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Cau 131:

Cau 132:

Cau 133:

A=1-sin’ 20°—cos* 20°

A:I—(sin2x+cos2 x):O.

sin(-234° ) - cos 216"
(-234)

Rit gon biéu thirc A = - —.tan36’, ta dugc
sin144" — cos126
A A=2. B.A=-2. C.A=1. D. A=-1.
Loi giai

Cich 1: Str dung mbi quan hé cta cac cung c6 lién quan dic biét
—sin(180° + 54" ) - cos (180" +36° ) 16°

0
Sin(1800 - 36" ) - cos(9000 +36° ) -tan36°.

A=

A sin 54° + cos 36°

360 1 o 36 .tan36° =2cot36".tan36’ =2.
sin36° + sin

Cich 2: Sir dung may tinh cam tay, nhap biéu thirc di cho vao may va bam =, duoc két qua
bang1.

1 25in 2550°.cos (188" )

Gi4 tri cua biéu thirc A = ot 5 5 bang:
tan 368 2c0s 638" +cos98
A. 1. B. 2. C. -1. D. 0
Loi giai

| 2sin 2550".cos(~188")
= +
tan368°  2c0s638° +cos 98’
1 25in(30° +7.360°).cos(8° +180°) P _25in30°.cos 8’

S A= + S A= +
tan(8”+360") 2cos(-82"+2.360")+cos(90° +8') tan8® 2c0s82° —sin§’
1 2sin30°.cos 8’ 1 25sin30°.cos 8’
A= T - = 4= RSP —s
tan 8 2cos(90°—80)—sm80 tan8 2sin8 —sin8
0
<:>A=cot8°—1'?osig =cot8’ —cot8" =0.
sin &

V&i moi o, biéu thire: 4 = cosa+ cos(a 4%) +..+ cos(a 49—5ﬂj nhén gia tri bé“mg:
A. -10. B. 10. C.0. D. 5.
Loi giai

T 9
A =cos a+cos(a ?J+...+cos(a 4?)

97 47 S
A=|cosa+cos a-i? +...+]| cos a-i? +coSs a+?
s

174 Or 174 T 174
A=2cos| a+— |[cos—+2cos| & +— [cos—+...+2cos| o +— |cos—
10 10 10 10 10 10
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9 O T Y4 3z T
A=2cos| a+— || coOs—+cos— + coS—+ CcOS— + COS—
10 10 10 10 10 10

A=2cos a+9—ﬂ 2COS£C0S2—”+2COS£COS£+COS£ < A=2cos a+9—” 0=0.
0 2 5 2 5 2 10

sin(—328°).sin958° cos(—508°).cos(—1022°)

Céu 134: Biéu thic 4= rt gon bang:

cot572° tan (—2120 )
A. -1. B. 1. C.0. D. 2.
Loi giai

sin(—328°).sin 958"  cos(—508").cos(—1022° 290 i gQ0 0 0
A= ( ) _ ( ) ( )@A__s1n32.sm58 cos32°.cos58

- cot 572° tan (~212°) cot32’ tan32°
: 0 0 0 = 0
A _sin32 .00332 _ cos32 .51232  gin?32° —cos? 32" = 1.
cot32 tan32

DANG 4: RUT GON BIEU THUC LUONG GIAC. PANG THUC LUQONG GIAC

Céu 135: Biéu thuc D = cos® xcot® x +3cos’ x —cot® x + 2sin” x khong phu thudc x va bang:
A. 2. B. 2. C. 3. D. 3.
Loi gidi

Ta bién doi: D = cos® xcot® x +3cos® x —cot® x + 2sin” x

= cot? x(cos2 x—l)+2(sin2 X+ cos’ x)+cos2 x=—cos’x+2+cos’x=2.

Céu 136: Pon gian biéu thiac D = sin(%[—aj+cos(137r+a)—3sin(a—57r)
A. 2cosa+3sina. B. 3sina—2cosa. C. 3sina. D. 4cosa—sina.

Loi giai

D:sin(27r+%—aj+cos(l27r+7r+a)—3sin(a+7z—67z')

D:sin(%—aj+cos(7z+a)—3sin(a+7t)

D =cosa—sina+3cosa

D=4cosa—sina

Céu 137: Pon gian biéu thirc C = cos (%—aj —sin (%—aj + cos(a —77”) —sin(a —77”}

A. 2sina. B. 2sina. C. 2cosa. D. —2cosa.

Loi giai

C =cos 27z—£—a —sin 27r—£—a +Cos a—47z+£ —sin a—47z+£
2 2 2 2
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s . Vs T . s
C=cos| —+a|-sin| ——a |+cos| a+— |—sin| a+—
(2 J ( 2 J ( 2) ( 2)

C=-sina+cosa—sina—cosa
C=-2sina

cos’x—sin’ y
? xsin® y
A2, B. 2. C.1. D. 1.

Loi giai

Céu 138: Biéu thuc B = —cot’ xcot” y khong phu thudc vao x,y va bang

sin

. 2 2 s 2
_cos’ x—sin® y—cos’ xcos’ y €08 X(I—COS y)—sm y

B
sin’ xsin® y sin® xsin® y
. . .2 2 . .
B cos’ xsin’ y—sin®y S )’(COS x—l) _ —sin’xsin’y .
sin” xsin® y sin” xsin® y sin” xsin® y .
A iy 2cos’ x—1 .
Cau 139: Rut gon biéu thire 4 = —, ta duoc két qua
sin x +cos x
A. A=sinx+cosx. B. A=cosx—sinx.
C. A=cos2x—sin2x. D. A=cos2x+sin2x.

Loi giai

2 ) 2 .
2cos x—(sm X +cos x) cos? x —sin® x )
A= - =— =CcosSXx—sinx.
sin x +cos x sin x +cos x

2 < 2
tan“a—sin“ a

Cau 140: Biéu thic rit gon clia A = 5 5 bang:
cot"a—cos a
A. tan‘a. B. cos‘a. C. tan'a. D. sin‘a .
Loi giai
2
. sin” a -1
tan’a—sin’ a (cos2 a j tan’ a.tan’ a p
A= > —— S A= = 3 =tan a.
cot”a—cos” a 2 1 cot” a
cos”| ———1
sin“ a
Céu 141: Hé thirc ndo sai trong bon hé thic sau:
2
tan x + tan l+sina 1-sina
A.—y=tanx.tany. B. \/ - —\/ : =4tan’a.
cotx+coty I-sina l+sina
C sin o cosa _1+cot2a D sina +cosa 2cosa
" cosa+sina cosa—sina l-cot’a . l-cosa sinag—cosa+1°
Loi giai
, . tan x + tan
Adung vi VT = l—ly =tanx.tany =VP
+ -
tanx tany
B dung vi
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l+sina 1-sina (1+sina)2+(1—sina)2 2+2sin’a
= + -2= -2= >

= —2=4tan*a=VP
l-sing l+sina l—sin’a cos’a

Zh

222 2 c 2 2 2
—sin“a—cos"a _sin"a+cos"a l+cot”a

2

) - .2 2 - 2 =VP.
COS o—SIn o SIn” & —COS & l-cot” &

Cdung vi VT =

" . . 2sin? x +3sin x.cos x + 4 cos’ x
Cau 142: Biét tanx=3 va M =

- - - Gid tri cia M béng.
Stan” x+6cot” x

:ﬂ. B.M:ﬁ. Q,Mzi. ]),Mzﬂ.
47 137 1370 51

Loi giai

A M

, sin x . 2 .
Ta co: tanx = = sinx =tan x.cos x; COS X=—7>——Vva cotx =

COS X tan“ x+1 tan x

(2‘[an2 x+3tanx+4)cos2 X 93
T 1370

Suyra: M =

5tan® x + 3
tan~ x

. S l,. . a1
CAu 143: Gia str 3sin* x—cos* x = 5 thi sin* x+3cos* x c6 gia tri bang

Al B. 2. C. 3. D. 4
Loi gii

Ta c6 sin® x+cos’ x=1 = cos” x =1—sin’ x

Vay 3sin4x—cos4x=% <:>3sin4x—(l—sin2 x)2 =% &sinx =+

-

, . . 1 1Y
Vay Sln4x+3cos4x=s1n4x+3(1—s1n2x)2=—+3(1——j :l+i=1.
4 2 4 4

Céu 144: Rut gon biéu thirc A= sin(x +8577Z'j +¢0s(20177 +x)+sin® (337 + x) +sin’ (x—%[] ta dugc:

A. A=sinx. B. A=1. C. A=2. D. 4=0.
Loi gidi

A= sin(x+85T”}Lcos(20177r+x)+sin2 (337r+x)+sin2 (x—%[j.
:sin(er427z+%j+(:0s(20167z+7z+)c)+sin2 (327r+7z+x)+sin2 [x—27z—%].
. 7[ . 2 . 2 7[
=sm(x+5j+cos(7z+x)+sm (7r+x)+sm (X_Ej'

:cosx—cosx+(—sinx)2 +(—cosx)2 =1.

Céu 145: C6 bao nhiéu dang thic ding trong cac ding thirc sau day?
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Cau 146:

Cau 147:

i) cos’a = . 1ii) \/Ecos(a+zj:cosa+sma.

tan’  +1

i1) sin[a—%):—cosa. iv) cot2a =2cot’ o —1.

A. 3. B. 2. C. 4. D. 1.
Loi giai
. 2 2 1 A\ A
Ta co: —=1+tan" a < cos” @ = ————. Vay i) dung.
cos” o I+tan”

Va: sin (a —%j =—sin (% — aj =—cosa . Vay ii) ding.

Va: \/Ecos(a + %) = \/E(cos o cos%— sin & sin %) =cosa —sina . Vay iil) sai.

2cos’ &

sin’

Véi cosa =0 sina=1=2cot’a—1= —1=-1.

cos22a cos2a

Ma: cot2a = khong xéac dinh khi cosa =0.

sin2a  2sinacosa
Suy ra iv) khong ding v61 moi « . Vay 1v) sai.

Viy ¢6 2 dang thirc dung.

., (1 —tan’ x)2 1 .
Biéu thirc 4 = > - >— khong phy thugc vao x va bang
4tan” x 4sin” xcos” x
A. 1. B. 1. C.l. D. —l.
4 4
Loi giai
[ sinx ) )
cos’ x 1 (cos2 x—sin’ x) 1
~ 4tan’x 4sin’xcos’x  4sin’ xcos’ x 4sin’ xcos® x
p (cos2 x —sin? x+1)(cos2 x —sin? x—l) 2cos’ x.(—ZSin2 x) |
B 4sin* x cos® x ~ 4sin’xcos’x
. (1 —tan’ x)2 1 .
Biéu thirc 4 = 5 —— -— khong phu thu¢c vao x va bang
4tan” x 4sin” xcos” x
A. 1. B. -1. C.l. D. —l.
4 4
Loi giai
2 \? 2 \? 2
(l—tan x) 1 (l—tan x) 1 1
Taco A= 5 -— —= - _ — .
4tan” x 4sin” xcos” x 4tan” x 4tan” x \ cos” x
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(l—tan2 x)2 (1+ tan’ x)2 (l—tan2 x)2 —(1+ tan’ x)2 _ —4tan’x

4tan® x 4tan® x 4tan® x  4tan’x

sin515%cos (—475O ) +cot222°.cot 408°

6 két qua rat gon ban
cot415°.cot(—505° ) +tan197° tan 73° a 8 8

Cau 148: Biéu thirc 4 =

A. lsin2 25°. B. lcos2 55°. C. lcos2 25°. D. lsin2 65°.
2 2 2 2
Loi giai
sin155%.cos115° +cot 42°.cot 48° sin 25". (_ sin 25° ) +cot 42’ tan 42°

= <
cot55°% cot (—1450 ) +tan17°cot17° cot55°.tan55° +1

in2ng0 2950
o A= sin 225 +1<:>A:CO8225 .

Cau 149: Biéu thirc:

A=cos(a+26x)—-2sin(a—7x)—cosl, 5z —cos(a + 2003ﬂj+ cos(a—1,57).cot(a—87) co
két qua thu gon bang:
A. —sina . B. sina . C. —cosa. D. cosa.

Loi giai
A=cos(a+26r)—2sin(a—T7r)—cos(1,57)— cos(a + 2003%) +cos(a—1,57).cot(a—87)

A :cosa—2sin(a—ﬂ)—cos(%)—cos((a—%)+cos(a+%j.cota

A=cosa+2sina—0—sina —sina.cota =cosa +Sina —cosa =sina.

CAu 150: Biéu thuc tan(7z—x).tan(3—ﬂ+x).;—cos{3—ﬂ+xj.,; sin® (277 —x) o
2 2( 37[) 2 sin (77 —x)
cos’ | x——
két qua rat gon bang:
A. sin®x. B. cos® x. C. tan’ x. D. cot’x.
Loi giai

tan(;r—x).tan(3—”+x];—cos(3—ﬂ+xj._; sin’ (27 —x).
2 2( 37[) 2 sin (7 —x)
cos
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Cau 151:

Cau 152:

Cau 153:

1

Vs Vs 1 .
=|—tanx.tan| 7+—+x |. —COS| T+—+Xx |—— [sSIn” x
2 2 Vs 2 sinx
cos” | m+——x .
i 2
i 1 sinx | . ,
=| —tanx.(—cotx).—————|.sin’ x
sin“x sinx

2

1 . .
=| ———1.sin”* x = cot® x.sin” x = cos’ x.
sin® x

cos’ 696° + tan(—260").tan 530° — cos” 156°

Cho B = . Biéu thirc thu gon nhit cia B 1a:
tan” 252" + cot” 342°
A. ltan2 24°. B. lcot2 24°. C. ltan2 18°. D. lcot2 18°.
2 2 2 2
Loi giai
Ta cb: B — cos’(720° —24%) —tan(360° —100").tan(360° +170°) — cos” (180° —24°)
' tan®(360° —108") + cot* (360" —18°) '
_cos” 24° +tan(90° +10°). tan(180° —10°) — cos® 24°
tan®(90° +18°)+cot* 18’
_ 0, 0
_ co;[lOO.( tar;lOO) _ 12 : =ltan218°.
cot” 18" +cot" 18 2cot”18" 2
sin515°.cos(—475°)+cot 222°.cot408° | .
Cho 4= 5 z 5 — . Biéu thue rat gon cua 4 bang:
cot415 .cot(—SOS )+tan197 .tan 73
1 2 0 1 2 0 1 : 2 0 1 : 2 0
A. —cos” 25", B. ——cos“25". C. —sin” 25". D. ——sin” 25".
2 2 2 2

Loi gidi
sin515° =sin155° = sin(l 80° — 250) =sin25°

cos (—4750) = cos(—l 150) = cos(—90° - 250) =—sin25°.
cot222° =cot42° cot 408" =cot48’; cot415° =cot55° cot(—SOSO) =cot35°.

tan197° =tan17°.

4 sin 25°.sin 25° + cot 42°.cot 48° = sin? 25° + cot42°.tan 42°

cot55%cot35° + tan17° tan 73° cot55%tan55° + tan17°.cot17°

 win29g0
_lzsint2s lcos2 25°.
2 2

2 , 1 3 N A s , n

Cho biéu thirc M = Lnxw (x # Ty kw, x # zy kr, k € Z), ménh dé nao trong cac ménh
(1+tanx) 2

dé sau diing?
A M<1. B. M<I. Q.MZ%. D.%SMSI
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Huwéng din giai
bit 1 =tanx, re R\{-1}.

3 2
Taco: M= "L LD Gy ey @M 1)+ M —1=0.
I+ ¢ +2t+1

V6i M =1 thi c6 nghiém ¢ =0..

Vé&i M #1 dé co nghiém khac —1 thi.
A>0s (2M —1) —4M-1)> 20 < 12M -3>0M zi..

Va (M -1D)(=1)> +2M +1)(-D)+ (=) =120 = M # 4.

Cau 154: H¢ thuc nao sai trong bon hé thire sau:

2
tan x + tan l+sina l-sina
A, -BXTRERY _ fanx +tan y. B. \/ — - , =4tan’ o
cotx+coty l-sina I+sina
C sina sin B 2 D sina+cosa 2cosa
cosa+sina cosa—sina l-cot’a —  l-cosa sina —cosa +1
Loi giai

sin x N siny  sinxcosy+sin ycosx

tan x + tan COSX COS COS X COS sin x sin
+) Y = Y- o) = J =tanxtany.
c()tx+coty COS X + COoSs y Sin y Cos X +S1n x cCos y COS X COS ¥
sinx siny sin xsin y

2
H \/1+sina 1 sin & \/1+sma 1+sina) \/(l—sina)(l—sina)
l-sina Vl+sina cos’ a cos’ a

\/(l+sina) 1 sma

cos’a cos’ a |cos 0:|

2
|1 +sin a| — |1 —sin a|)J

1 4sin’ a
= <|l+s1na|—|1 s1na|) >
cos’ a cos“ a

=4tan’ « .

sin sina B 2sin’ a B 2

cosa+sina cosa—sina cos’a—sin‘a 1-cot’a

cosa +sina 2cosa
VT —VP = ——
1-cosa sina —cosa +1

(sin2a—cosza)+cosa+sina—2cosa+2cos2a

(I1-cosa)(sina—cosa+1)

(sin2a+cosza)+(sina—c0sa) 1 0
B (I1-cosa)(sina—cosa +1) _l—cosai'
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T ) sinoz:—l T ca<o
Cau 155: Tinh P:sin(a +Ej+cos(37r—2a)+cot(7r—a), biét 2 va
NENERY g, 333 c 3343 p, 3+
- 2 2 2 2
Loi gidi

Tacod: P= sin(a +%J+cos(37r—2a)+cot(fr—a) = cos(—a)—cos(—2a )+ cot(-)
=cosa—cos2a—cota = (:050{—(20052 a—l)—cota.

. 1Y
Mat khac cos2a=1—sm2a=1—(——) =§ ma —£<a<0 nén cosa:—3.
2 4 2 2

cosa
Suy ra cota =— =—3.
sina

Do d6 P=cosa—(2cosza—1)—cota=§—(2.%—1j+\/§=

33 -1
2

nén A dung.
Cach khac:

. | . R I
Vi s1na:—5 va —%<a<0 nén a:—%.Thevao P ta duoc:

. T T T T . T T 3x/§—1
P=sin| —+— |+cos| 37x+2.— |+cot| 7 +— |=sin——-cos——cot— = )
6 2 6 6 3 3 6 2

DANG 5: GIA TRI LON NHAT, GIA TRI NHO NHAT CUA BIEU THUC LUQONG GIAC

CAu 156: Gia tri nho nhét cia M =sin® x +cos® x 1a.

A. 0. E.l. C.l. D. 1.
4 2
Loi gidi
M=sin6x+cosﬁx=l—isin22x21—i=l..
4 4 4
Dau bang xay ra khi x=%+k%,keZ..
Céu 157: Gia tri nho nhit caa M =sin® x +cos” x 1a.
A. 0. B.l. g.l. D. 1.
4 2
Loi gidi
.4 4 1., 1 1
M=sin"x+cos"x=1—-—sin"2x=>1—-——=—..
2 2 2
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Cau 158:

Cau 159:

Cau 160:

Cau 161:

Cau 162:

Cau 163:

Déu bing xay ra khi x:%+k%, keZ.

Gia tri 16n nhit cia N =sin® x—cos® x bang:
A. 0. B. 1. C. 2. D. 3.
Loi gidi

Tacd N =sin’ x—cos® x =sin® x—cos® x = —cos 2x.
Vi -1<cos2x<1< -1<-cos2x <.
Nén gia trj 1én nhat1a 1..

Gié tri 16n nhat cia M =sin* x + cos® x bang:
Al B. 2. C. 3. D. 4.
Loi gii

, . 1 .
Tacd M =sin* x+cos* x=1-—sin’ 2x.

Vi 0Ssin22x£1<:>—lﬁ—lsinz2x£0©lsl—lsin22xﬁl.
2 2 2 2

Nén gia trj 1én nhat1a 1..

Cho M = 6cos” x+5sin” x . Khi d6 gia tri 16n nhat cia M 1a.
A. 1. B. 5. C.6. D. 11.
Loi giai

M =6coszx+5sin2x=6(1—sin2 x)+SSin2x=6—sin2x.
Tacod: 0<sin*x<1,VxeR<=0>—-sin*x>-1,VxeR< 6>6-sin’x>5VxeR.
Gia tri lén nhat1a 6.

Gia tri 16n nhét cua biéu thic M =7 cos” x —2sin’ x 1a.
A. 2. B. 5. C.7. D. 16.
Loi gii

M =7(1—sin2 x)—2sin2x=7—9sin2x.
Tacod: 0<sin’x<],VxeR<=0>-9sin’x>-9,Vxe R<7>7-2sin*x>-2,VxeR.
Gia tri 16n nhat1a 7.

Cho M =5-2sin” x. Khi d6 gia tri 16n nhét cia M 1a.
A. 3. B. 5. C.6. D. 7.
Loi giai

Tacod: 0<sin’x<1,VxeR< 0>-2sin’x>-2,VxeR<5>5-2sin*x>3,VxeR.
Gia trj I6n nhat 1a 5.

Tinh gié tri nho nhét cia F =cos’ a+2sina +2
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A. -1. B.0. C. 1.

Loi gidi

F=cos’a+2sina+2 =—sin’* a+2sina+3 :—(sina—l)2+4

—1Ssina£1:>—2£sina—l$0:Og(sina—l)z£4
~4<—(sina-1)<0=0<F<4

Cau 164: Tinh gia tri 16n nhat cua E =2sina —sin’ a +3
A. 2. B. 3. C. 4.
Loi giai

E=2sin0¢—sin205+3=—(sin05—1)2 +4

Ta cd —1£sina£1:>—2£sina—l£0:>0£(sina—1)2£4

4<—(sina—1)<0=0<E<4

Céu 165: Gia tri 16n nhét ciia M = sin® x—cos® x bang:
A. 0. B. 1. C. 2.
Loi giai

Ta co.

M =sin® x —cos® x = (sin” x — cos” x)(sin” x + sin” x cos’ x + cos” x)

= —cos2x(1-sin” x.cos” x) = —cos 2x(1 - L in? 2x)

— —cos2x| S+ cos?2x Si+100522x£i+l:1(d0 —cos2x<1)
44 44 44

Nén gia trj 16n nhat 1a 1.

Swu tdm va bién soan

D. 2.

D. 1.

D. 3.
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BANG DAP AN

1.A 2.C 3.B 4.A 5.A 6.A 7.B 8.B 9.B 10.B

11.C 12.B 13.B 14.C 15.C 16.C 17.B 18.C | 19.A | 20.C

21.A | 22.A | 23.A | 24D | 25.A | 26.A | 27.A | 28.C | 29.C | 30.A

31.D | 32.D | 33.D | 34.D | 35.A | 36.D | 37.A | 38D | 39.B | 40.D

41.D | 42.D | 43.A | 44.B 45.C | 46.A | 47.A | 48.B 49.B 50.C

51.D | 52.B 53.A | 54.A | 55.A | 56.A | 57.A | 58.A | 59.C | 60.A

61.C 62.C | 63.D | 64.A | 65.A | 66.D | 67.D | 68.C 69.C | 70.A

71.C 72.C 73.C 74.B 75.A | 76.C | 77.D | 78.C | 79.A | 80.D

81.D | 82.B 83.B 84.B 8.D | 86.A | 87.D | 88.C | 89.D | 90.B

91.B 92.A 93.B 94.A 95.B 96.B 97.B 98.D | 99.A | 100.B

101.B | 102.D | 103.C | 104.D | 105.D | 106.A | 107.D | 108.C | 109.B | 110.C

111.D | 112.D | 113.C | 114.A | 115.A | 116.B | 117.D | 118.A | 119.C | 120.B

121.A | 122.B | 123.D | 124.A | 125.B | 126.B | 127.B | 128.C | 129.B | 130.A

131.A | 132.D | 133.C | 134.A | 135.A | 136.D | 137.B | 138.D | 139.B | 140.A

141.D | 142.C | 143.A | 144.B | 145.B | 146.B | 147.B | 148.C | 149.B | 150.B

151.C | 152.A | 153.C | 154.D | 155.A | 156.B | 157.C | 158.B | 159.A | 160.C

161.C | 162.B | 163.B | 164.C | 165.B
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 2. CAC PHEP BIEN POI LUQONG GIAC

<0> LY THUYET.

I. CONG THUC CONG

cos(a—b)=cosacosb+sinasinb
cos(a+b)=cosacosb—sinasinb
sin(a—b) =sinacosb—cosasinb
sin(a+b)=sinacosb+cosasinb

tan(a—b) tana —tanb

l+tanatanb

tan(a+b)— tana +tan b
l—tanatand

II. CONG THU'C NHAN DOI
1. Cong thirc nhan doi

sin2a =2sinacosa
2 2 2 <2
cos2a=cos"a—sin“a=2cos"a—-1=1-2sin"a

2tana

tan2a = —.
l1-tan” a

2. Cong thirc ha bac

»  1+cos2a

cos a=
2

. 1—cos2a

sinfg=——
2

) 1—cos2a

tan" a =
1+ cos2a
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III. CONG THUC BIEN POI TiCH THANH TONG
1 1
cosacosh = E[cos(a —b)+ cos(a +b)] = E[cos(a +b) +cos(a —b)]
sinasinb = %[cos(a —b)—cos(a +b)] = —%[cos(a +b) - cos(a —b)]
. 1r . . 1r. .
sinacosh = E[sm(a —b)+ s1n(a +b)] = 5[51n(a +b) + sm(a —b)].

IV. CONG THUC BIEN POI TONG THANH TiCH

u+v u—v
COSuU +CcosSV =2cos coS
. u+v . u-—v
cosSu —Ccosv =—2s8in sin
2
) ) . u+v u—v
sinu +sinv =2sin cosS
2
U+v . u—v

sin

@ HE THONG BAI TAP Ty LUAN

Cau 1: Rt gon cac biéu thirc sau:

sinu —sinv = 2cos

a. A:cos(%+x]+cos(27z—x)+cos(37r+x)
b. B=2cox—3cos(7r—x)+SSin(%—x}Lcos(%—xJ.
c.C:Zsin(%+xj+sin(57r—x)+sin(37ﬂ+xj+cos(%+xj
. (37 RY/4
d. D:cos(Sﬁ—x)—sm 7+x +tan T—x +cot(37z—x)
Cau2: Rt gon biéu thirc sau:
a. G:cos(157z—x)+sin(x—3—ﬂj—tan[£+xjcot(ﬁ—xj
2 2 2
b. H:sin(ﬂ+x)—cos(%—xj+cot(27z—x)+tan(%—x}

c. I:cos(Sﬂ—x)—sin(%{+xj+tan[377r—x)+cot(37r—x)
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Cau 3: Rt gon biéu thirc sau:

a. N =sin’ (7 +x)+cos’(x—x)—2sin* (x+27)—sin’ [x—%[j +cos’ (x—%}
197 .
tan(z—xjcos(367z—x)s1n(x—57z)
sin(gzﬁ—x)cos(x—%ﬂ)

c. P= sin(x+8577?+c0s(2077z+x)+sin2 (337 +x)+sin’ [x—%zj

b. O=

Cau 4: Rut gon va tinh gia tri biéu thirc sau:
a. 4=cos(-315").sin 765"

b. B =sin32"sin148° —sin302° sin122°
c. C =sin810° cos540° + tan135° cot 585°

d. D =sin825° cot(—15°)+ cos 75° sin(—555°)

Cau 5:  Rut gon va tinh gia tri biéu thirc sau:
a. £ =2tan540°+ 2co0s1170°+ 4sin 990°
sin(—234°)—cos 216°
F=—0 .tan 36°
sin 144° — cos126°

_ cos (—234°) - c0s666°

c. - .cot36°
sin1206°+ cos 36°
& - sin (—328°).sin 958° ~ cos(—508°).cos(—1022°)
o cot 572° tan (—212°)

Ciu 6:  Rut gon va tinh gia tri biéu thirc sau:
cos (—2880 ).cot 72°
a.l=

= —tan18°.
tan(—142°).sin108°

b. J =2sin(790° +x)+ cos(1260° - x) + tan(630° + x).tan(12600 ~x).

1 25in 2550".cos (~188")
= +
tan 368" 2¢0s638° + cos 98’

Cau 7: Rut gon va tinh gia tri biéu thic sau:

(cos 44° + tan 226" )cos 406"
a. L= 5 —cos72%cot18".
cos316

tan 46°.sin 44° + cot(—136° ).sin 404°

b. M = 5 —tan36°.tan 54°.
cos316

sin(—328°).sin958° cos(—508°).cos(—1022°)

c. N= — .

cos572° tan(—212°)
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Cau8: Tinh D= cos%—cosz—”+cos3—ﬂ-

Cau 9: Tinh gia tri cia biéu thirc tan9°—tan 27°— tan 63° + tan 81°
Cau 10: Tinh gia trj €0s15°c0s45°¢c0s75° pang

Cau 11: Tinh gia tri cta biéu thitc cot 30° + cot 40° + cot 50° + cot 60°
Cau 12: Tinh gia tri cia 4 =cos75°+sin105°.

. T . 5
sm—+sm?

Cau 13: Tinh giatri cua F =
V4 S

COS—+COS——
9 9

Cau 14: Cho sina =—£; 3—7T<a <27 . Tinh cos z—a .
13° 2 3
7 s i
Cau 15: Biéuthirc 4= I X 5N 3 +5in 5.¢ duoc rat gon thanh:
coS x +cos3x+cosSx

Cau 16: Tinh B = cos68°cos78°+c0s22°cos12°—cos10°.
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 2. CAC PHEP BIEN POI LUQONG GIAC

<0> LY THUYET.

I. CONG THUC CONG

cos(a—b)=cosacosb+sinasinb
cos(a+b)=cosacosb—sinasinb
sin(a—b) =sinacosb—cosasinb
sin(a+b)=sinacosb+cosasinb

tan(a—b) tana —tanb

l+tanatanb

tan(a+b)— tana +tan b
l—tanatand

II. CONG THU'C NHAN DOI
1. Cong thirc nhan doi

sin2a =2sinacosa
2 2 2 <2
cos2a=cos"a—sin“a=2cos"a—-1=1-2sin"a

2tana

tan2a = —.
l1-tan” a

2. Cong thirc ha bac

»  1+cos2a

cos a=
2

. 1—cos2a

sinfg=——
2

) 1—cos2a

tan" a =
1+ cos2a
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III. CONG THUC BIEN POI TiCH THANH TONG

1 1
cosacosh = E[cos(a —b)+cos(a+b)] = E[cos(a +b)+cos(a —b)]

sinasinb = %[cos(a —b)—cos(a +b)] = —%[cos(a +b)—cos(a —b)]
) 1r . ) 1r. )
sinacosh = E[sm(a —b)+sin(a +b)] = 5[51n(a +b)+sin(a —b)].
IV. CONG THUC BIEN POI TONG THANH TiCH

u+v u—v
COSuU +CcosSV =2cos

COS

u—v
2
v

L u+v .
cosSu —Ccosv =—2s8in sin

u_
2

u+v . u—-v
S

@ HE THONG BAI TAP Ty LUAN

Cau 1: Rt gon cac biéu thirc sau:

) ) . uU+v
sinu +sinv =2sin cosS

sinu —sinv = 2cos

a. A:cos(%+x]+cos(27z—x)+cos(37r+x)

b. B=2cox—3cos(7r—x)+SSin(%—x}Lcos(%—xJ.

c.C:Zsin(%+xj+sin(57r—x)+sin(37ﬂ+xj+cos(%+xj
. (37 RY/4

d. D:cos(Sﬁ—x)—sm 7+x +tan T—x +cot(37z—x)

Loi gidi

a.A:cos(%+x]+cos(27z—x)+cos(37z+x) = —sin X + COS X —COS X = —sin x
b. B :2cosx—3cos(7r—x)+5$in(77ﬂ—xj+cos(37ﬂ—xJ.

=2cosx+3cosx+5sin i—x +cos 1—x =5cosx—35sin Z+x +cos z+x
2 2 2 2
=5cosx—5cosx—sinx =—sinx

c.C=2sin(%+xj+sin(57z—x)+sin(37ﬂ+xj+cos(%+xj

) (-7 )
:2c0sx+smx+s1n(7+xj—smx =2C0SX—COSX =COSX
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Cau 3:

d. D:cos(S;z—x)—sin(%r+xj+tan[%—x]+cot(3ﬁ—x)

. (- -
:—cosx—sm(7+xj+tan(T—xj—cotx=—cosx+cosx+cotx—cotx=0.
Rt gon biéu thuc sau:

a. G:cos(157r—x)+sin x—3—ﬂ —tan £+x cot M—x
2 2 2
b. H=sin(;z+x)—cos(%—xj+c0t(27z—x)+tan[%r—x]
. (3x 37
¢. [ =cos(57 —x)—sin 7+x +tan T_X +cot (37 —x)

Loi giai
) RY/4 T 117
a. G =cos(157 —x)+sin| x—— |—tan| —+x |cot| ———x
2 2 2
. Vs -
:—cosx+sm(x+5j+cotxcot(7—xj=—cosx+cosx+c0txtanx=1
b. H=sin(;z+x)—cos(%—xj+c0t(27z—x)+tan(%r—x]

) ) - ) )
:—smx—smx—cotx+tan(7—xj =-2sinx—cotx+cotx =-2sinx

c. ]=cos(Sﬂ—x)—sin(%Ter}Ltan(%—x}+cot(37z—x)

(-7 -
:cosx—sm(7+xj+tan(T—xJ—cotx =cosx+cosx+cotx—cotx =2cosx

Rt gon biéu thirc sau:

a. N =sin’ (7 +x)+cos’(x—r)—2sin* (x+27)—sin’ [x—%[j +cos’ (x—%}
197 .
tan(z—xjcos(36ir—x)sm(x—57r)

sin(gzﬂ - xj cos(x—997)

b. O =

c. P= sin(x+857ﬂj +¢0s (2077 +x)+sin’ (337 + x) +sin’ (x —37”)
Loi giai
a. N =sin’ (7 +x)+cos’(x—x)—2sin* (x+27)—sin’ (x—%[j +cos’ (x—%J

=sin® x +cos® x—2sin* x —cos* x +sin’ x

- 4 ) 2 ) - 4 ) 2
=-—SIn X—SIn" XCOS™ X+SIn" X =—SIin  x + Sin X(I—COS X):O
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tan(lgzﬂ - xj cos (367 —x)sin(x—57)

. (97

sm(2 - x) cos(x—997)

- .
tan| ——x cosx(—smx) .
_ 2 _—cotxcosxsmx_1

e —COSXCOSX
sin E—x cos(x+7)

b. O=

c. P= sin(x+gsTﬂj+cos(2077z+x)+sin2 (337 +x)+sin’® (x—%zj

. T ) 2 _ _
=sin x+5 +(—cosx)+sin’ x+cos’ x =cosx—cosx+1=1

Cau 4: Rt gon va tinh gia tri biéu thic sau:
a. 4=cos(-315").sin 765"

b. B =sin32"sin148" —sin302° sin122°
c. C =sin810° cos540° + tan135° cot 585°

d. D =sin825° cot(—15°)+ cos 75° sin(—555°)

Loi gidi
a. 4= cos(—3 15°)sin 765" =cos315° sin(7200 + 450)

= cos(360° - 45°)sin (720° + 450) = cos45°sin45° = %

b. B =sin32"sin148" —sin302°sin122°

=sin32° sin(180° —320)—sin(360° —58°)sin(180° —58")
=sin?32% +sin? 58" =sin? 32° + cos* 32° =1

c. C=sin810° cos540° + tan135° cot 585°

=sin(720° +90° ) cos (720" —180° ) + tan (180 — 45" ) cot (720" —135°)
=5in 90" cos (~180" ) + tan 45° cot 135° = —1+(~1) = -2

d. D =sin825" cos(~15")+cos 75 sin (555"

=sin(720° +90° +15° ) cos15” +cos (90° —15° )sin (720" —180° +15°)
=5in(90° +15°)cos15° +cos(90° —15° )sin (-180° +15° )

5.

=cos15°cos15° +sin15° (—sinlSO) =cos?15° —sin?*15° = cos30° =

Cau5: Rt gon va tinh gia tri biéu thirc sau:

Page 4
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

a. £ =2tan 540°+2co0s1170°+ 4sin 990°
sin(—234°)—cos216°
b. F = .tan36°
sin144° —cos126°

_ cos (—234°) - c0s666°

c. - .cot36°
sin1206°+ cos36°
4 H - sin(—328°).sin 958° ~ cos(—508°).cos(—1022°)
cot572° tan (—212°)
Loi gii.
a

E =2tan 540°+ 2¢c0s1170° + 4 sin 990°
= 2tan(3.180°) + 2cos(90°+ 3.360°)+ 4sin(—90° +3.360°) =4

b.
sin(—234°)—005216° cos(90°+234°)—cos216°
F="— tan36° = .tan 36°
sin144° —cos126° cO0S (90O — 144°) —c0s126°
€08324° — cos216° —2sin270°.sin 54° sin36°
= tan36° =

~ cos(—54°) - cos126° ~ —25in90°.sin (~36°) c0s36°
~ —2.(~1).c08(90°-54°) sin36°
~ —2.1.(-sin36°)  cos36°

c.
G- cos‘(—234°)—cos666°' 360 — COS(1_26O_3600)_608(_540+2'3600).cot36°
sin1206° + cos 36° sin (126°+3.360°) + cos36°
_cos126°—cos(-54°) . sin(90°~126°)sin(90°=54°) cos36®
sin126°+cos36° cos(90°—126°)+c0s36°  sin36°

_ sin(-36°)-sin36° cos36°

- cos(—36°)+cos36° sin36°

_ —2sin36° cos36°

" 2cos36° sin36°
d.

' sin(—328°).sin 958° ~ cos(—508°).cos(—1022°)

cot572° tan (~212°)

sin(32°-360°).sin (238°+2.360°)  cos(~148°—360°).cos(58°—3.360°)

) cot(32°+3.180°) ) tan (—32°—180°)

_ sin32°.sin238° cos148°.cos58°

- cot32° - —tan 32°

=sin 32°.sin (180° - 238°).tan 32° + sin (90° —148°).sin (90° — 58°).cot 32°

sin 32 +sin (—58°).sin 32°, c0s32

=sin32°.sin (—58°). :
c0s32° sin 32°
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_ sin? 32°.(—c0s32°)  c0s(90°—58°).5in 32°.c0s32°
B c0832° sin 32°

=—sin’ 32 —cos*32° =—1.
Cau 6: Rt gon va tinh gia trj biéu thirc sau:
cos(—288° ).cot 72°

a.l =

= - - —tan18°.
tan(—142 ).sin108

b. J = 2sin(790° + x) + cos(1260° - x) + tan(630° + x).tan(l260° - x).

1 25in2550°.cos (188" )
= +
tan 368° 2¢0s638" + cos 98’

Loi gidi.
cos(—288°).cot 72° .
a. [ = 5 5 —tan18".
tan(—162 ).sin108
~ cos(720 —3600).cot 72° g0 = <08 72%cot72° 10
tan(18°—180°).sin(9o°+18°) tan18°.cos 18"

_sinl 8% tan18’

—m—tanmo :tan18° —tanl80 =0.
an .COS

b. J = 2sin(790° +x)+cos(1260° —x)+tan(630° +x).tan(1260° —x)

J= 2s,in(36o°.2+700 +x)+cos(360°.3+180° —x)+ tan(360°.2—90° +x).tan(360°.3+180° —x)

:2sin(700 +x)—cosx—cotx.tanx :2sin(700 +x)—cosx—1.

1 25in2550°.cos (188" )
= +
tan 368° 2¢0s 638" + cos 98’

1 2sin(360°.7+30°).cos(~180° - 8°)
= +
tan(360° +8°) 2cos(360°.2—90° +8°)+cos(90° +8°)

K

h e 0 0
1 2sin30".cos 8 _ ot

B N cos 8’ B
tan8’ 2sin8’—sin8’ sin 8’

=0.

Cau 7: Rt gon va tinh gia tri biéu thirc sau:
(cos 44° 4+ tan 226° )cos 406°
cos316°

—cos72%cot18".

a. L=

tan 46°.sin 44° + cot (—1 36" ).sin 404°
- cos316°

—tan36°.tan 54°.
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sin(—328°).sin958° cos(—508°).cos(—1022°)
cos572° - tan (—2 12° )

c. N=

Loi giai.

(cos 44° + tan 226" )cos 406"
a. L= 5 —cos72%cot18".
cos316

(cos 44° + tan (180° +90° —440))cos(3600 +90° —44°)

L= cos(360° —44°)

—cos(90°—18°).cot18°

(cos44’ +cot44’)sinad®
= Py —sin18’.cot18” =sin44° +1—cos18°.
cos

tan 46°.sin 44° + cot (—136° ).sin 404°
cos316°

b. M = —tan36°.tan 54°.

4t 46°.sin (90° —460)+cot(0—900 —0460 )O.Sin(360" +90° —46")  tan(90° ~54°).tan 54°
cos (360" +90° - 46")

_ tan46°.cos 46° + tan 46".cos 46"

—— —cot54°.tan 54°
sin 46

_sin 46° +sin 46°

e —cot54% tan54° =2—-1=1.
sin

sin(—328°).sin958° cos(—508°).cos(—1022°)

e N= cos 572° tan(—212°)

cos(180°.3+32°) tan(—180° —320)

. sin(32° —3600).sin(180°.5 +90° —320) cos(32° —1800.3).cos(—32° —90° —1800.5)

P 0 0 (U 0
_—sin 32 .co§32 _ cos 32 .51232 —sin32° —cos’ 32 .
—cos32 tan32

Cau8: Tinh D :cosz—cosz—”+cos3—”
7 7 7

Loi gidi

Ta c6: 2sin x(cos x +cos3x +cos 5x ) = sin 2x —sin 2x +sin 4x —sin 4x +sin 6x = sin 6x

R .. sin 6x
Do vay, véi sinx # 0, ta dugc: cosx+cos3x+cosSx =—
2sinx
) T
sin6i sm| 7——
Car e T , 7 3z Sm 7 7 1
Tu do, V01x=7,ta co: cos7+cos7+cos—: = =5.
2sin— 2sin—
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2 2 1
Mat khac: coss—” = —cos—ﬂ. Vay D = cosz—cos—ﬂ+cos3—”:—.
7 7 7 7 7 2

Cau 9: Tinh gia tri ctia biéu thirc tan 9° — tan 27° — tan 63°+ tan 81°
Loi gidi
Ta co tan9°—tan27°—tan 63°+tan81° =tan 9°+ cot 9°—tan 27° —cot 27°
—sin18° N sin18°
c0s89°c0s27° sin9°sin27°
cos36° J sin18°.sin 54°

=tan9°—tan27°+cot9°—cot27° =

= =4,
sin9°sin 27°.co0s 9°cos 27°

=sin18°( I
Zsin18°.sin 54°

Cau 10: Tinh gia trj €0s15°c0s45°¢cos75° pang

Loi giai
Ta c6 cos15°cos45°cos75° = Q.l(cos%O +¢0s60°) = Ql = ﬂ )
2 2 4 2 8
Céu 11: Tinh gia tri ctia biéu thirc cot 30°+ cot 40° + cot 50° + cot 60°
Loi giai
Ta c¢6 cot30°+cot40°+cot50°+cot60° = 5in 90 + sin 90 = 2 2

+
sin30°.sin 60° sin40°.sin50° cos30° cosl0°

2c0s20°.cos10° 8cos20°
= 2 == .
cos30°.cos10° 3

Cau 12: Tinh gia tri cia 4 =cos75°+sin105°.
Loi giai
Tacd A=cos75°+sin105° =cos75°+sin75° = cos 75°+cos15° =2 cos 45°.cos 30°

Y2 33 _J6.

2 2 2

. T . 5
sm—+sm?

Cau 13: Tinh gia tri cua F =
V4 S

COS—+COS——
9 9

Loi gidi
. T . 5z . T 27
Sin — + Sin — 2sin —.coS — -
Taco F = 9 9 - 3 9 =tan—=+/3.
T hY/4 T 27 3
COS—+CcoS— 2.C0S—.COS——
9 9
Cau 14: Cho sina=—£;3—ﬂ<a<2ﬂ.Tinh cos z—a .
13° 2 3
Loi giai
Tacécosza:1—sin2a:£mé—ﬂ<a<27r :>c0sa<0:>cosa:—i.
169 2 13
1 3 . 541243
SuyraP=—cosa+—sinag =————.
2 2 26
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CAu 15: Biéu thic 4 = Sin X+ $in 3x + $in Sx duogc rat gon thanh:
cos x +cos3x+cosSx
Loi giai
Ta b A = sin x +sin 3x +sin Sx _ sin x +sin 5x +sin 3x _ 2sin3xco2x +sin 3x _ sin3x
cosx+cos3x+cosSx cosx+cosSx+cos3x 2cos3x.cos2x+cos3x  cos3x
=tan3x.

Cau 16: Tinh B = cos68°cos78°+c0s22°cos12°—cos10°.
Loi gidi
Ta cd B =cos68°cos78°+c0s22°cos12°—cos10° = cos 68°cos 78° +sin 68°sin 78° —cos10°

=cos(—10°)—cos10° = cos10°—cos10°=0.
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 2. CAC PHEP BIEN POI LUQONG GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. AP DUNG CONG THUC CONG

Cau 1: Trong cac cong thirc sau, cong thirc nao dung?
A. sin(a—b)=sina.cosb—cosa.sinb. B. cos(a—b)=cosa.cosb—sina.sinb.
C. sin(a+b)=sina.cosb—cosa.sinb. D. cos(a+b)=cosa.cosb+sina.sinb.

Cau2: Ménh dé nao sau day ding?
tan x —tan y

tan x + tan
A. tan(x—y)zg. B. tan(x—y)=—"—"".
tan xtan y 1+ tan xtan y
tan x —tan tan x —tan
C. tan(x—y)=— 2. D. tan(x—y)= 2t A0V
l1—tan xtan y tan xtan y
Cau 3: Trong cac cong thuc sau, cong thirc nao ding?
A. sin(a+b)=sina.cosb—cosa.sinb . B. cos(a+b)=cosa.cosb+sina.sinb.
C. sin(a—b)=sina.cosb+cosa.sinb. D. cos(a —b)=cosa.cosb+sina.sinb.

Cau 4:  Phat biéu nao sau diy ding?

tan o —tan I+tana.tan §

A tan(a+f)=—. B. tan(a+ f)= .
( ﬁ) I+ tana.tan B ( ﬁ) tan o —tan
- I- .
C. tan(a—ﬁ)=—tana tan f . D. tan(a—ﬂ)=—tanatanﬂ.
I+tana.tan B tan o + tan S
Cau5:  Biéu thic sinxcos y—cosxsin y bang
A. cos(x—y). B. cos(x+y). C. sin(x—y). D. sin(y—x).
Céiu 6:  Chon khang dinh sai trong cac khing dinh sau:
A. cos(a+b)=cosacosb+sinasinb. B. sin(a+b)=sinacosb+cosasinb.
C. sin(a—b)=sinacosh—cosasinb . D. cos2a=1-2sin’a.
Cau7: Trong cac khang dinh sau, khing dinh ndo sai?
. . +b . a-b
A. sina—sinb = 2cos < sin a2 : B. cos(a—b)=cosacosb—sinasinb.
C. sin(a—b)=sinacosb—cosasinb . D. 2cosacosb=cos(a—b)+cos(a+b).
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

.2 , Sin(a+b) 3 .2 L A
Biéu thtc ————= bang biéu thurc nao sau day?
sm(a—b)
A sin(a+b) sina+sinb B sin(a+b) sina—sinb
) sin(a—b) sina—sinb ) sin(a—b) sina+sind
C sin(a+b) tana+tanb D sin(a+b) cota+coth
) sin(a—b) tana—tanb ’ sin(a—b) cota—coth’
Cho tana =2 . Tinh tan(a—%).
A. —l. B. 1. C.z. D.l.
3 3 3

Cho hai goc a, f thoa man sina=%, (%<a<7zj va cosﬂ=%, (0<ﬂ<%). Tinh gid tri

dung cua cos(a—f).
A.E. B. 18. . 18. D. —E.
65 65 65 65

Cho géc lugng giac o (% <a< ﬂj. Xét dau sin(a +

NN

) va tan(—a ). Chon két qua dung.

sin(a+£j<0 sin(a+£j>0 sin(a+£]<0 sin(a+£j>0
2 ) B. 2 . C. 2 . D. 2 .
tan(—a)<0 tan(—a)<0 tan(—a)>0 tan(—a)>0

Rt gon biéu thirc: sin(a—17°).cos(a+13°)—sin(a+13°).cos(a —17°), ta dugc:

A. sin2a. B. cos2a. C. —l. D. l
2 2
. \ i 3 (« . 12 T e

Cho hai gbc o va g théa man s1na=g, E<a<7z VaCOSﬁ=E, O<ﬂ<3 . Gia tri cia
sin(a—p) 1a
A -2 B. . c. p. -

65 65 65 65
Tinh gié tri cos(a—%)bié’t sina :l,%<a<ﬂ.
A. —¥. B. —”2‘@ C. 1_2£. D. ”?@

voi a,beN va

7[) a5 —ObJE

) 245 .
Cho smazT voi O<a<%. Biét gia tri cla cos(a+§ 1

(a,b)=1.Tinh a+b.
A. 4. B. 10. C.7. D. 3.

Véi o 1a s6 thuc bat ky, rat gon biéu thic 4 = cos(a —%] +sin(a—7).

A. A=2sinc. B. A=2cosa. C. 4=1. D. 4=0.
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Cau 17: Cho x, y la cac goc nhon, cotx =%, coty=7.Tong x+y bing

Az B. 2. c.Z D. 2%
3 4 6 3
Cau 18: Cho hai géc nhon a va b voi sina =3 sinb = Gia tri cua sin2(a+b) la
A 73 -42 B 73 +42 c 73-242 b 73 +242
) 18 ) 18 ’ 18 ) 18
Cau 19: Biét sina=i,cosb=§, £<a<7z,0<b<£ . Hay tinh sin(a+b).
13 5 \2 2
A B2 c. X D. 0.
65 65 5
Cau 20: Cho sina=§,(%<a<nj. Tinh tan(a+%j.
N 48+25\3 B 8—5\/5' c. 8—+/3 b 48—25\/5'

11 11 11 BB
Céu 21: Rut gon biéu thirc: sin(a—17°).cos(a+13°)—sin(a+13°).cos(a—17°), ta duoc:

1
A. sin2a. B. cos2a. C. —. D.

S}
N | =

Céu 22: Gia trj ciia biéu thirc cos317—2ﬂ bang

J+42 -2 J6+:2 NG
A —. B. ———. C.—. D.——.
4 4 4 4
Céu 23: Ding thirc nao sau day la dung.
s 1 T 1 . \/5
A. cos|a+—|=cosa+—. B. cos| a+— |==sina——cosa .
3 2 3 2 2
C. cos a+£ =£sina—lcosa. D. cos a+£ =lcosa—£sina.
3 2 2 3 2 2
Cau 24: Cho tana =2 . Tinh tan(a—%j.
A. —l. B. 1. C.z. D.l.
3 3 3
Cau 25: Két qua nao sau day sai?
A. sinx+cosx:x/§sin(x+§j. B. sinx—cosx =— 2005(x+§j.
C. sin2x+cos2x = \/Esin(Zx—gj. D. sin2x +cos2x = \/Ecos(bc—%}

Cau 26: Cho sinx=§ véi %<x<7r khi d6 tan(“ﬂ bing.

A.g. B._—l. C._—z. D.
7 7 7

2|~
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Cau 27:

Cau 28:

) | /U T L
Cho sina =— véi 0<« <E. Gia tri cua cos(a +?J bang

3

2-+6 1
A B. J6-3. —_
2J6 6

Cho hai goc «, f thoa man sinaz%, (%<a<7z va cosﬁz%, [0<,B<%). Tinh gia tri

1
D. J6——.
Vo=

I\)Ir—ﬂ

dtng ctia cos(a—f3).

10 B. -2 c. p. -
65 65 65 65
Cau 29: Cho sina :g,a € 1;3_7r . Tinh gié tri cos (x—& ?
5 22 4
A.Q. B.ﬂ. c.ﬁ. D.ﬂ.
10 10 10 10
Céu 30: Biéu thitc M = cos(—53°).sin(~337°)+sin307°.sin113° c6 gia trj bang:
A. —l. B. l C. —ﬁ. D. ﬁ
2 2 2 2
Cau 31: Rut gon biéu thirc: cos54°.cos 4° — cos 36°.cos 86°, ta duoc:
A. cos50°. B. cos58°. C. sin50°. D. sin58°.
1
Cau 32: Cho hai goc nhon a va b véi tana=7 va tanb=%. Tinh a+5b.
AL B. 2. c.Z. . 2Z.
3 4 6 3
3 1 2
Cau 33: Cho x, y la cac goc nhon, cotx—z coty-; Téng x+ y bang:
Az B. 37 cZ D. 7.
4 4 3
Cau 34: Biéu thic 4 = cos” x +cos’ (§+x)+cos2 (%—x} khong phu thudc x va bang:
A2, B. 2. c.2. D. 2.
4 3 2 3
4 +
4 . \/gsin(ajtﬂ)—cos\(/qﬂ)
Cau35: Bibtsinf=—, 0<f <2 va a#kz.Gia tri cia bidu thic: A= , 3
5 2 sin
khong phu thudc vao « va bang
J5 5 V3 3
A, —. B. —. C. —. D. —.
3 3 5 J5
Ciu 36: Néu tan§—4tan 5 thi tanﬂ;a bang:
. 3sina . B. 3sina . C. 3cosa . D. 3cosa .
5-3cosa 5+3cosa 5-3cosa 5+3cosa
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cho cosa=%; sina>0; sinb=§; cosbh < 0. Gia tri cia cos(a+b). bang:

Az[HﬂJ B_z(HﬁJ cz@_ﬁJ D_z(l_ﬂj
Eheal VRN . |

5 5 4
Biét cos a—é _1 va sin a—é >0; sin| £-p _3 va cos| £—b |>0. Gia tri cos(a+b)
2 2 2 2 5 2

bang:

A. —24\/5_7. B. —7_24\/5. C. —22\/5_7. D. —7_22\/5.
50 50 50 50

Rt gon biéu thire: cos(120°— x)+cos(120°+ x)—cosx ta duge két qua la

A. 0. B. —cosx. C. —2cosx. D. sinx—cosx.

Cho sina=§; cosa<0; cosb=%; sinb > 0. Gia tri sin(a—b) bing:

A. —%(ﬁ%). B. —l(f—gj. C. %(ﬁ+%j. D. l(f—gj.

5 4 5 4
DANG 2. AP DUNG CONG THUC NHAN POI - HA BAC

- X T , A \ Ay A A A , A
Biét a+ ﬂ+;/=5 va cota, cotfl, coty theo thur ty ldp thanh mdt cap so cong. Tich so

cota.cot 7 bang:
A. 2. B. 2. C. 3. D. -3.
Ping thirc nao khéng ding véi moi x ?

1+ cos6x 1+cos4dx

A. cos?3x = . B. cos2x=1-2sin? x.C. sin2x=2sinxcosx. D. sin? 2x =

Trong cac cong thuc sau, cong thirc nao sai?

A. cot2x:M. B. tan2x=2Lnf.
2cotx I+tan” x
C. cos3x=4cos’ x—3cosx. D. sin3x =3sinx—4sin’ x
Trong cac cong thurc sau, cong thirc nao sai?
A. cos2a =cos’ a—sin’ a. B. cos2a =cos’ a+sin’ a.
C. cos2a=2cos’a—1. D. cos2a =1-2sin’a.
Ménh dé nao sau day ding?
A. cos2a =cos’a—sin’a. B. cos2a =cos’ a +sin’a.
C. cos2a=2cos’ a+1. D. cos2a =2sin*a—1.
Cho goc luong gidc a. Trong cac khang dinh sau, khang dinh nao 1a khang dinh sai?
A. cos2a=1-2sin’a. B. cos2a =cos’ a—sin’a.
C. cos2a=1-2cos’a. D. cos2a=2cos’a—1.
Khang dinh nao duéi day SAI?
A. 2sin*a=1-cos2a. B. cos2a=2cosa—1.
C. sin2a =2sinacosa. D. sin(a+b)=sinacosb+sinb.cosa.

Page 35
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Chon dé4o an dung.
A. sin2x=2sinxcosx. B. sin2x =sinxcosx. C. sin2x=2cosx. D. sin2x =2sinx.

Cho cosx:%, xe(—%;Oj. Gia tri cia sin2x la

24 B. -4 c. -1 p. L.
25 25 5 5
Cho cosa = —% , cos 2a nhan gia tri nao trong cac gia tri sau
A -1 B. -3 c 2 . -2.
9 3 3 3
Biét cos(a—b)=cosa.cosb+sina.sinb. Vi @ =D thi €082 bing
A. cos’a+sin’a. B. —cos’a—sin’a. C.cos’a—-sin’a. D. sin*a—cos’a.
Véi a la sb thuc bat ky, trong cadc ménh dé sau, ménh dé nao sai?
A. sin2a =2sina.cosa . B. cos2a =2cos’ a—1.
C. cos2a =-2sin*a +1. D. cos2a =sin* @ —cos’ « .

a+b\/§

&, 3 . Iy .ab . A A L Rs ea
Biét rang sin18° = , VOl a,b,ceZ, c#0 va —,— la cac phan so t6i gian. Gia tri cia

c cc
biéu thirc S=a+b+c la
A. §=2. B. §=4. C. §=3. D. S=1.

. 4  3rx e \
Cho sin2a = 3 va T< a<m.Giatricua sina la
A.%. B.l. C.ﬁ. D.ﬁ

5 5 5 5

Cho cosa = —%; % <a < thi sin2a bang
A _24 B. 2% c. 2 p. 2.

25 25 5 5
Trong cac khing dinh sau, khang dinh nao sai?
A. cos3x+cosx=2cos2x.cosx. B. cos3x—cosx=2sin2x.sinx.
C. sin3x—sinx=2cos2x.sinx. D. sin3x+sinx =2sin2x.cos x.
Véi a la sb thuc bat ky, ménh dé nao sau day la ménh dé dang?
A. cos2a +cosda =2cos2a.cosba . B. sin2a +sin4a =2sina.cos3a .
C. cos2a—cos4a =-2sin3a.sinc . D. sin2a —sin4a =—-2cos3a.sina .

S6 khing dinh dung trong cac khang dinh sau:
(I)cosacosh :%[cos(a—b)+cos(a+b)] . ()sinasinb :%[cos(a—b)—cos(a+b)] )

(I]I)cosa+cosb:2cosa+b azb (Vl)sina—sinb=2cosa+b a-b

COS

COS

A. 0. B. 1. C.2. D. 3.
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. 1 . .
Cau 59: Néu sinx+cosx = > thi sin2x bang

A B.>. e Y2 p. =2
4 8 2 4
Cau 60: Biét rang sin® x +cos’x = a +bsin® 2x, v6i a,b 1a cac sd thuc. Tinh T'=3a+4b.
A.T=-7. B.T=1. C.T=0. D.T=7.
Cau 61: Cho sin2«a :%. Tinh gia tri biéu thirc 4 = tana + cota
A A=2 B. A=2. C. A=, D. 4=28
3 3 3 3

Céu 62: Cho a,b 14 hai goc nhon. Biét cosa = %,cosb =%. Gid tri clia biéu thire cos(a+b)cos(a—b)

bang
UL B. 115 c. 13 p. -7,
144 144 144 144
. ) 1
Cau 63: Cho s0 thuc « théa man sina =Z. Tinh (sin 4o +2sin 2a)cosa
—a B. . c. 2 p. 22
128 16 128 128
Cau 64: Cho cota =15, gia tri sin2a c6 thé nhan gia tri nao dudi day:
L B. 2 c. 2 p. L.
113 113 113 113

DANG 3. AP DUNG CONG THUC BIEN POI TICH THANH TONG, TONG THANH TiCH

Céu 65: Ménh dé nao sau day sai?

1 ) 1.
A. cosacosbZE[COS(a—b)+cos(a+b):|. B. smacosb:5[51n(a—b)—cos(a+b):|.

. 1 . 1r-. .
C. sinasinb = EI:COS(Q —b)—cos(a +b)]. D. sinacosh :E[sm(a —b)+sin(a +b)] .
Céu 66: Trong cac dang thirc sau, dang thic ndo sai?
A. cos(a—b)=cosa.cosb+sina.sinb. B. cosa.cosb = %[cos(a +b)+cos(a— b)] .

C. sin(a—b)=sina.cosb—sinb.cosa . D. cosa+cosb =2cos(a+b).cos(a—>b).

Cau 67: Cong thtrc nao sau day la sai?

A. cosa+cosb:2cosa;b.cosa;b. B. cosa—cosb:—2sina+b.sina;b
C. sina+sinb:2sina+b.cosa;b. D. sina—sinb:2sina;b.cosa;b.

A sin3x 4+ cos2x —sin x
Cau 68: Rut gon bicu thirc 4 =

: (sin2x #0;2sinx +1# 0) ta dugc:
cos x +sin2x — cos 3x

A. A=cotbx. B. 4A=cot3x.
C. A=cot2x. D. A=tanx +tan2x +tan3x.
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Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

Cau 79:

Cau 80:

Rit gon biéu thirc P = sin(a + %) sin(a —%) .

A. —icos2a. B. lcos2a. C. —zcos2a. D. —lcos2a.
2 2 3 2
Bién ddi biéu thirc sina —1 thanh tich.
A. sina—-1=2sin 05—z cos a+£ . B. sina—1=2sin a_r CosS Z+£ .
2 2 2 4 2 4
C. sina—1=2sin a+£ cos a—z . D. sina—1=2sin g+z cos a_ r .
2 2 2 4 2 4

i ;4 - +2 +
Rut gon biéu thirc P = cosa+2cos3a+cosSa

sin a + 2 sin 3a +sin 5a

A. P=tana. B. P=cota. C. P=cot3a. D. P=tan3a.
Tinh gid tri biéu thirc P =sin30°.cos 60° +sin 60°.cos 30 .
A. P=1. B. P=0. C. P=43. D. P=—3.

Gia tri dung cua cos 27” +cos 477[ + cos 67” bang:

A B. —. C.

! !
3 5 R T
Gia tr1 dang cua tan 2 + tan7—” bang:

24 24

A. 2(%—\/5). B. 2(JE+\/§). C. 2(\/3—\/5). D. 2(\/§+\/5).

Biéu thic 4=

—2sin70° c6 gia tri ding bang:

2sin10°

A. 1. B. 1. C. 2. D. 2.
Tich s6 €0s10°.cos30°.c0s50°.cos 70° pang:
A L. B. L. c. 2. p. L.

16 8 16 4
Tich sb cosz.cos4—”.coss—ﬁ bang:

7 7 7

AL B. -1, c. L p. -1

8 8 4 4
Gié tri dung cua biéu thirc 4 = tan 307+ tan 407+ tan 507+ tan 60 bang:

cos20°

2 4 6 8
A. —. B. —. C. —. D. —.

3 NE) 3 V3

) 2 1 | .
Cho hai géc nhon a va b . Biét cosazg, cosb:Z. Gia tri cos(a+b).cos(a—b) bang:
LS B. - 11> c. -7 p. -1
144 144 144 144
7 ) 19 )
Riit gon biéu thirc A= sin x +sin 2x +sin 3x
CcOS X +Cc0S2x +cos3x

A. A=tan6x. B. 4A=tan3x. C. 4=tan2x. D. A=tanx+tan2x+tan3x.
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DANG 4. KET HQP CAC CONG THU'C LUQNG GIAC

Cau 81: Bién dbi biéu thirc sina +1 thanh tich.

A. sina+1=2sin £+£ cos a_z . B. sina+1=2cos £+£ sin a_z .
2 4 2 4 2 4 2 4
C. sina+1=2sin a+£ cos a—£ . D. sina+1=2cos a+£ sin a—£ )
2 2 2 2
Cau 82: Cho goc o théa man %<a <m va sin%:%.Tinh gié tri ctia biéu thic A=tan(%—%).
1 1
A.A:E. B'A:_E' C. A=3. D. A=-3.

Cau 83: Cho cosx=§(—%<x<0j. Gia tri ciia tan2x la

A 5 M2 V5 W2
. T L =

Cau 84: Cho cosx=0.Tinh A =sin’ (x—%j+sin2 (w%j.

A.i. B. 2. C. 1. D.l.
2 4
CAu 85: Cho bidt cosar =—2 . Gid tri ctia bidu thire P = SCLET3BL a 0 bao nhicu?
3 2cota +tan
A,P:E_ B.P=£. C.P=—£. D.P=—£.
13 13 13 13
Cau86: Cho Sn@-cos(a+pf)=sinf a+ﬂ¢§+kﬂ, a¢§+lﬂ, (K1€Z) 1y e
A. tan(a+ fB)=2cota. B. tan(a+ ) =2cot S.
C. tan(a+f)=2tan 5. D. tan(a+ fB)=2tana.
1 2.tanx _ cos(ax)

Cau 87: Biét ring (a,beR). Tinh gid tri ciia biéu thic

cos’x—sin’x 1—tan’x _b—sin(ax)
P=a-+b.
A. P=4. B. P=1. C. P=2. D. P=3.

Ciu 88: Cho cos2a = % Tinh gi4 trj cia bidu thitc P = cosa.cos3a .

A P=L. B.p=_. c.p=2, D. 2.
18 9 9 18
A 3z e T .
Cau 89: Chotanx=2 (7; <x<7j. Gia tri cua s1n(x+§J la
2-3 2+43 2+3 2+3
A ————. B. - . C. . D. .
25 25 25 25
Cau 90: Tong A=tan9 +cot9 +tanl5 +cotl5 tan27 cot27 bang:
A. 4. B. 4. C. 8. D. -8.
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Cau 91:

Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

Cau 98:

Cau 99:

Cau 100:

) .. | 1 .., .
Cho hai géc nhon a va b véi sma:§, smb:? Gia tri cua sin2(a+b) la:

A 22 +73 B 32 +73 c a2 +73 o 52+73

18 © 18 18 18

2co0s’ 2a ++/3sinda -1

25in22a+\/§sin4a—1

cos(4a +30°) B cos(4a —30°) c sin (4a +30°) b sin (4 —30°)

" cos(4a-30°) " cos(4a +30°) " sin(4a -30°) " sin(4a +30°)
Két qua nao sau day SAI?

Biéu thirc 4= c¢6 két qua rat gon 1a:

. o) 1 o]
A. sin33°+cos 60° = cos 3°. B. §1n9 = s?an .
sin48° sin&1°
1 1 4

C. c0s20°+2sin?55° = 1++/2 sin 65°. D.

+ —.
c0s290°  35in250° 3
y dsina =3sin(a +2p)

Ne thi:
A. tan(a+ f)=2tan S. B. tan(a + B)=3tan S.
C. tan(a+ fB)=4tan S. D. tan(a + f)=>5tan f.
Cho biéu thitc 4 =sin’(a+b)—sin’ @ —sin’ b. Hay chon két qua ding:
A. A=2cosa.sinb.sin(a+b). B. 4=2sina.cosb.cos(a+b).
C. A=2cosa.cosh.cos(a+b). D. 4=2sina.sinb.cos(a+b).
Xéc dinh hé thuc SAI trong céc hé thirc sau ?
cos(40°—a)

A. cos40°+tan a.sin 40° =
cosa

NG

B. sin15°+tan30°.cos15° :T.

C. cos’ x — 2cosa.cos x.cos(a+x)+ cos? (a+x)= sin’ a.

D. sin® x+ 2sin(a —x).sinx.cosa+sin2 (a—x)= cos’ a.

Cho a, S thoa man sina+sinB=72 va cosa+cosB=§. Tinh cos(a—f)+sin(a+f).
A 12543 p, 4133 c. B p. B3

6 2 2 2
Cho tam gidc ABC . Tinh gié tri cia biéu thirc 4 = sin> A+sin® B+sin> C —2cos Acos Bcos C.
A. 1. B. 3. C.2. D. 0.

) T . . .2 , . 5 2+sin’x
Cho sin x +cos x =—. Gia tri cia bi€u thitc 4 =cos4x—sin” x —————— bang.

5 3tan” x+2

A -2 B. -5 . c. 8. D. -5

625 25 625 625
Biéu thirc 4cos(%—ajsin[§—a)=m+nsin2a,Véri m,neZ.Khidd m*> —n® bing

A. 7. B. 15. C. 7. D. -15.
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Cau 101:

Cau 102:

Cau 103:

Cau 104:

Cau 105:

Cau 106:

Cau 107:

Cau 108:

Cau 109:

Cau 110:

Cau 111:

Cau 112:

DANG 5. MIN-MAX

Gia tri nho nhat cua sin® x+cos® x 1a

A. 0. B.l. C.l. D.l.
2 4 8
Gié tri 16n nhat cia M =sin* x + cos* x bang:
A. 4. B. 1. C. 2. D. 3.
Cho M =3sinx+4cosx . Chon khing dinh ding.
A. -5<M <5, B. M >5. C. M?=5. D. M <5.
Gié tri 16n nhat ctia M = sin® x —cos® x bang:
A. 2. B. 3 C.0. D. 1.
3
Cho biéu thirc M = Lﬂ)ﬁ , (x * —£+ km,x # Z+ kr,k e Zj , ménh dé nao trong cac m¢nh
(1+tan x) 4 2
dé sau diing?
A M<1, B.Mz%. C.%SMSI. D. M <1,
Cho M = 6cos” x+5sin” x . Khi d6 gia trj 16n nhat cua M 1a
A.11. B. 1. C.5. D. 6.
Gia tri 16n nhét cua biéu thite M =7 cos? x—2sin® x 1a
A. 2. B. 5. C.7. D. 16.

DANG 5. NHAN DANG TAM GIAC

Cho 4, B, Cla cac goc cua tam giac ABC thi.
A. sin2A4+sin2B >2sinC. B. sin2A4+sin2B <2sinC.
C.sin2A4+sin2B>2sinC. D. sin2A4+sin2B=2sinC.

Mot tam gidc ABC c6 cac goc A, B,C thdéa man singcos3 g—singcos3 g =0 thi tam giac d6

c6 gi dac bigt?

A. Tam giac d6 vuéng. B. Tam giac d6 déu.

C. Tam giac do can. D. Khong c6 gi dac biét.

Cho 4, B, C lacac goc clia tam giac ABC thi cot A.cot B+ cot B.cot C +cot C.cot 4 bang :

A. (cot A.cot B.cotC )2 . B. Mot két qua khéc cac két qua da néu trén.

C. 1. D. 1.
Cho 4, B, C labalacac goc nhon va tanA:%; tanB:%, tanC=é.Téng A+B+C bﬁng
AL B. Z. c.z p. ~
5 4 3 6
Biét A, B, C la cac goc cua tam giac ABC, khi do.
A. cot ﬁ :cotg. B. cos A+B :cosg.
2 2 2 2
C. cos A+ 8B :—cosg. D. tan A+B :cotg.
2 2 2 2
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Cau 113:

Cau 114:

Cau 115:

Cau 116:

Cau 117:

Cau 118:

Cau 119:

Cau 120:

A, B, C, laba goc cia mot tam gidc. Hay tim hé thirc sai:
A. sin4=-sin(24+B+C). sinA:—cos—3A+B+C
B.

C. cosC:sinM.

D. sinCzsin(A+B+2C).
Cho 4, B, C lacéc goc cia tam giac ABC thi:

A. tan A+tan B+tan C =tan 4.tan B.tan C . B. tanA+tanB+tanC=—tan§.tan§.tan%

C.tanA+tanB+tanC =—tan A.tan B.tanC. D. tanA+tanB+tanC=tang.tang.tang.

Biét 4, B, C la cac goc cua tam giac ABC, khi do.

. (A+B C . (A+B C
A. sin =cos—. B. sin =—Ccos—.
2 2 2 2

C. sin A+B =sin£. D. sin A+B =—sin£.
2 2 2 2

Néu a =2b vaa+b+c = . Hiy chon két qua ding.

A. sinb(sinb+sinc)=sin2a. B. sinb(sinb+sinc) = sin“a .
C. sinb(sinb+sinc)=cos’ a. D. sinb(sinb+sinc)=cos2a.
Cho A4, B, C lacac goc cua tam gidc ABC thi:

A. sin2A4+sin2B+sin2C =4sin A.sin B.sinC .
B. sin2A4+sin2B+sin2C =4cos A.cos B.cosC .
C. sin2A4+sin2B+sin2C =—-4cos A.cos B.cosC..
D. sin2A4+sin2B+sin2C =4sin A.sin B.sinC .

A, B, C, laba goc cia mgt tam gidc. Hay chi h¢ thuc sai:

A. cot M :—tanﬁ. B. cos ﬂ =—sinB.
2 2 2

C. sin (Mj =cos2C. D. tan (ﬂj =— otg.
2 2

Biét 4, B,C 1a cac goc ctia tam giac ABC khi do.

A. cosC=cos(A4+B). B.tanC=tan(A+B).

C. cotC =—cot(A+B).D. sinC=-sin(A4+B).

Cho 4, B, C 1a cac goc cua tam giac ABC thi cot A.cot B +cot B.cot C +cot C.cot A bang
A. Mot két qua khac cac két qua dd néutrén.  B. 1.

C. -1. D. (cot A.cot B.cot C)z.
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Cau 121:

Cau 122:

Cau 123:

Cau 124:

Cau 125:

Cau 126:

Cau 127:

Cau 128:

Cho A4, B, C lacac goc cua tam gidc ABC thi:
A B C A B C

A. cot—+cot—+cot— = cot—.cot—.cot—.
2 2 2 2 2 2

A B C A B
B. cot5+cot—+cot— = —cot—.cot—.cotz.

C. cot§+cot§+cot%= cot A.cot B.cotC'.

D. c0t§+cot§+cot% =—cot A.cotB.cotC.

Cho 4, B, C laba goc cia mot tam gidc. Hay chon hé thirc dung trong cac h¢ thuc sau.
A. cos> A+cos” B+cos’ C =1+cos A.cos B.cos C.

B. cos’ A+cos’ B+cos’ C =1—cos A.cos B.cos C.

C. cos® A+cos’ B+cos* C =1+2cos A.cos B.cosC.

D. cos® A+cos” B+cos’ C =1-2cos A.cos B.cos C.
Hay chi ra cong thirc sai, néu 4, B, C 1a ba gbc ciia mot tam giac.

A. cosécosg—singsing =sin—. B. cos B.cosC —sin B.sinC+cos A=0.

2 2 2 2 2
C. sinﬁcos£+sin£cos£ = cosﬁ. D. cos® A+cos’ B+cos’ C—2cos Acos BcosC =1.

2 2 2 2 2

., L. sin B +sinC . ) . e am a,
Cho tam gidc ABC c¢6 sin A =—— . Khang dinh nao du¢i day dung?
cos B+cosC

A. Tam gidc ABC vudngtai 4. B. Tam giac ABC cantai A.
C. Tam giac ABC déu. D. Tam giac ABC la tam giac tu.

L 1 ) 13
Cho bat dang thic cos24+—————(2cos2B+4sinB)+—<0 véi 4,B,C la ba goc cia

64cos” A4 4
tam gidc ABC Khang dinh dung la:
A. B+C=120". B. B+C=130". C. A+B=120°. D. A+ C =140".
1 1 1 .
Cho 4, B, C lacac goc nhon va tanA=E, tanB=§, tanC=§. Tong A+ B+ C bang:
AL B. L. c Z. p. Z.
6 5 4 3
Cho 4, B, C laba goc cia mot tam gidc. Hay chi ra h¢ thuc SAI
. A+ B+3C

A.sin 2222 _osC B. cos(4+B—C)=—cos2C.

A+B-2C 3C A+B+2C C
C. tan—zcotT. D. cot—— =tan—
Cho A4, B, C laba goc cua mot tam giac. Hay chi ra hé thuc SAL

A+B .
A. cos 2 =sm%. B. cos(A4+B+2C)=—-cosC.
C. sin(4+C)=—sinB. D. cos(A+B)=-cosC.
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Cau 129: Cho 4, B, C laba géc cua mot tam gidc khong vudng. HE thire nao sau day SAI?
B C . B.C . A
A. cos—cos——sin—sin—=sin—.
2 2 2 2 2
B. tan 4 + tan B +tan C = tan A4.tan B.tan C.

C. cot A+cot B+cotC =cot A.cot B.cotC.

A B B C C A
D. tan—.tan—+tan—.tan—+tan—.tan— =1.
2 2 2 2 2 2

Page 44
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 2. CAC PHEP BIEN POI LUQONG GIAC

@ HE THONG BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

DANG 1. AP DUNG CONG THUC CONG

Trong cac cong thirc sau, cong thurc nao ding?

A. sin(a—b)=sina.cosb—cosa.sinb. B. cos(a—b)=cosa.cosb—sina.sinb.
C. sin(a+b)=sina.cosb—cosa.sinb. D. cos(a+b)=cosa.cosb+sina.sinb.
Loi giai

Cong thue cong: sin (a - b) =sina.cosb—cosa.sinb.

Ménh dé nao sau day dung?

tan x + tan tan x — tan
A. tan(x—-y)=——2% B. tan(x— y)=—2nX-tany
tan xtan y l+tanxtan y
tan x — tan tan x — tan
C. tan(x_y)zg. D. tan(x_y)zg_
l-tanxtan y tan x tan y
Loi giai
. tanx—tan y
Taco tan(x—y)=—""""——.
1+tan xtan y
Trong cac cong thuc sau, cong thirc nao ding?
A. sin(a+b)=sina.cosb—cosa.sinb . B. cos(a+b)=cosa.cosb+sina.sinb.
C. sin(a—b)=sina.cosh+cosa.sinb . D. cos(a—b)=cosa.cosb+sina.sinb.
Loi giai
Theo cong thure cong ta co:
+) cos(a+b)=cosa.cosbFsina.sinb.
+) sin(a+b)=sina.cosh*cosa.sinb.
Phat biéu nao sau ddy ding?
tan @ — tan I+ tan a.tan
A. tan(a+ﬂ)=—’g. B. tan(a+ﬂ)=—ﬁ.
I+ tana.tan B tan o —tan
tan @ — tan I—-tan a.tan
C. tan(a—ﬁ)=—ﬂ. D. tan(a—ﬂ)=—ﬂ.
I+tana.tan B tan o + tan S
Loi giai
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Cau 7:

Cau 8:

Cau 9:

CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

A LA , tan o + tan
Theo cong thirc cOng ta co: tan(a iﬂ) = ﬁ
Ftano.tan

Biéu thirc sin xcos y —cosxsin y bing
A. cos(x—y). B. cos(x+y). C. sin(x—y). D. sin(y—x).
Loi giai

Ap dung cong thiic cong luong gidc ta c6 dap an.

C.
Chon khang dinh sai trong cac khing dinh sau:
A. cos(a+b)=cosacosb+sinasinb. B. sin(a+b)=sinacosb+cosasinb.
C. sin(a—b)=sinacosb—cosasinb. D. cos2a=1-2sin"a.
Loi giai

Ta c6 cong thirc ding l1a: cos(a+b)=cosacosb—sinasinb.

Trong cac khing dinh sau, khang dinh nao sai?

) ) a+b . a-b
A. sina—sinb =2cos sin .

B. cos(a—b)=cosacosb—sinasinb.

C. sin(a—b)=sinacosb—cosasinb. D. 2cosacosb=cos(a—b)+cos(a+b).
Loi gidi

Cau A, D la cong thirc bién d6i dung

Cau C la cong thurc cong diing

Cau B sai Vicos(a—b) =cosacosbh+sinasinb.

.2 , Sin(a+b) 3 .2 L n
Biéu thtc ———= bang bicu thiric nao sau day?
sin(a—b)
A sin(a+b) sina+sinb B sin(a+b) sina—sinb
) sin(a—b) sing—sinb ) sin(a—b) sing+sinb
C sin(a+b) tana+tanb D sin(a+b) cota+coth
= sin(a—b) tana —tanb ’ sin(a—b) cota—coth
Loi gii.
, sin(a+b) sinacosh+cosasinb
Tacd: — =— ;
sin(a—b) sinacosb—cosasinb
_ tana+tanb
tanag —tanb
Cho tana =2 . Tinh tan(a—%).
A L B. 1. c 2. D. L.
3 3 3

Loi giai
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T
tan o — tan —
Taco tan(a—zj: 4 _2 lzl

1+tanatan% 1+2 3

Cau 10: Cho hai géc a, thoa man sina:%, (%<a<7zj va cosﬂ:%, (O<ﬁ<%). Tinh gia tri

dung cua cos(a—f).

A 18 L c. 8 p. -1¢
65 65 65 65
Loi giai
o 5 (n A 5 12
Taco: sina=—, | —<a <z |nén cosa=—1-| —| =——.
13" \2 13 13

3 i 3 4
==,|0<B<—=|nénsinf=,1-|=| =—.
cosp=3.[0p<F in sinp= 1[5 =

5
. . 123 5 4 16
cos(ax—pf)=cosacos f+sinasinff =——.—+—.—=——.
(a=7) p p 135 135 65

Cau 11: Cho goc lugng gidc o (% <a< ﬂj. Xét dau sin(a + ) va tan(—a ). Chon két qua dung.

sin| a+— |<0 sin| a+— >0 sin| a+— |<0 sin| a+— |>0
2 . B. 2 . C. 2 . D. 2 .

NN

tan(—a) <0 tan(—a ) <0 tan(—a)>0 tan(—a ) >0
Loi giai
7z<a+ﬂ<37[ T
r_or , AP
Tacé%<a<7z:> 2 2 = Sln(a+2j< .

—7r<—a<—§ tan (—a)>0

Céu 12: Rut gon biéu thirc: sin(a —17°).cos(a+13°)—sin(a+13°).cos(a—17°), ta dugc:

A. sin2a. B. cos2a. C. —l. D.

-2
Loi giai

N | =

Ta co: sin(a—17°).cos(a+13°)—sin(a+13°).cos(a—17°) = sin[(a—17°)—(a+l3°)]

— sin (~30°) = -%.

Cau 13: Cho hai goc a va f théa man sina:%, (§<a<ﬁ] va cosﬂ:%, (O</B’<§).Giétri cua

sin(a—p) 1a
A -2 B. 2. c & .-
65 65 65 65
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Loi giai

, T ~ ) 4
Ta co: E<a<7z nén cosa <0 = cosa =—1—sin a:—g.

Lai co: 0<,6’<% nén sin >0 = sin B =+/1-cos’ & =%.

312 (-4) 5 56
Vay sin(a — ) =sin a cos cosasinff=———| — | —=—.
i ( 'B) - P 513 (5)13 65
Cau 14: Tinh gia tri cos(a—%)biét sina=% §<a<7r

22 1+26 1-2J6 1+26

A,———— B. - . C. . D.
6 6 6
Loi giai
L. 1 » 2f
Visina=—,—<a<znén cosag =————.
3’2 3
, P r . .x 22 11 1-2J6
Do d6 cos| &« —— |=cosa.cos—+sina.sin—=———.—+—.— = )
6 6 6 3 2 32 6
25
Cau 15: Cho smoc——5 voi 0<a<5 Biét gi4 tri cua cos(a+§j a\/_lob\/_ voi a,beN va
(a,b)=1.Tinh a+b.
A. 4. B. 10. C.7. D. 3.
Loi giai
’ =2 2 2 1
Ta cd: sin“a+cos” o =1< cos a:§<:>cosa—?.

| V5 32 5 o5 _5-2i5

. 7)) 1 3
Ta c6: cos| a+— =—cosa——s1na——-———- = —
3 2 2 5 10 10 10

Suyra a=1, b=2=a+b=3.

Cau 16: Véi o 1a sb thuc bat ky, rat gon biéu thirc 4 = cos(a —%] +sin(a—7).

A. A=2sincx. B. A=2cosax. C. 4=1. D. 4=0.
Loi giai

Ta c6: cos(a—zj:cos(z—aJ:sma; sin(a —7) =-sina.
Do d6 A=0.

Cau 17: Cho * Y 1a cac géc nhon, cotx=%, coty=7 Téng ** bing
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Az B. ~. c.Z p. 2%
3 4 6
Loi gii
, 4 3 1
Ta co: cotx:§<:>tanxzz ; coty:7<:>tany:7.

tanx + tan y

tan(x+y) = =1,suyra x+y:%.

1—tanx.tan y

Cau 18: Cho hai géc nhon a va b voi sina =§, sinb = 73 Gia tri cua sin2(a+b) la

N 7J§—4J5_ B 7J§+4J§_ . 7«/5—2J§. D. 7\/§+2J§_

- 18 18 18 18
Loi giai
O<a<Z 5 0<b<Z |
Ta co: 2 = cosa=——; :>cosb:5.
sina:§ sinb:—3

sin2(a+b)=2sin(a+b).cos(a+b) =2(sina.cosh+sinb.cosa)(cosa.cosb—sina.sinb)

:7\5—4\5'

18
Ciu19: Biét sina=—, cosh=>,| Z<a<z0<b<” | Haytinh sin(a+b).
13 5702 2
-33 63 56

A —. B. —. C. —. D.o.
65 65 65

Ta co: cosa =++1—sin’a
P 5Y 12
Do 5<a<7z:>cosa<0:cosa:— 1—(—) =——,

Ta co: sinb=++1—cos’b

2
Do 0<b<Z =sinb>0 = sinb = 1—@) _4
2 5) s

Vay sin(a+b)=sinacosb+cosasinb=i-§+_—12-i=—£-
13 5 13 5 65
na=3(feacs] | wnfar])
smoa=—,| —<a<rn tan| o +—
Ciu 20: Cho S\2 . Tinh 3/
N 48+253 B 8—5\/5' c. 8—3 b 48—25\/5'

11 11 11 = 11
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Cau 21:

Cau 22:

Cau 23:

Cau 24:

Loi gidi

T
tana+tan§ B tana+\/§

l—tana.tang 1-3tana

, T
Ta co tan(a +—j =

Ma sina =%:> cosa = —/ —sin205=—,/1—2i5 =—%, :tana:—%.

3
. ) tana+3 ‘1*‘5 3143 48-25\3
Vay tan| o +— | = = 3= = .
3) 1-Btana 1+43.2 4+33 11

4

Rt gon biéu thirc: sin(a —17°).cos(a+13°)—sin(a+13°).cos(a—17°), ta dugc:

1 1

A. sin2a. B. cos2a. C. —. D. —.
2 2
Loi gidi.
Ta co: sin(a—17°).cos(a+13°)—sin(a+13°).cos(a—17°):sin[(a—17°)—(a+l3°)]
1
= sin(~30°) = ——.
sin ( ) 5

e, .2 , 3772' L
Gia tri cua biéu thuc 0057 bang

4 Y6+V2 g Yo-v2 o V642 V2-V6
4 4 = 4 4

Loi giai.

377 V4 b V4 T T
cos—— =cos| 2x+xmx+— |=cos| T+— |=—cos| — | =—cos| ———
12 12 12 12 3 4

zrj_ V6 ++2

T T . T .
=—| cOS—.cOS—+sin—.sin—
3 4 3 4

- 4

Ping thirc ndo sau ddy 1a ding.

T 1 T 1 . 3
A.cos|la+—|=cosa+—. B. cos| a+— |=—sina———cos & .

3 2 3 2 2

T \/3 ) 1 i 3.
C.cos|la+— |=—sina——cosa. D. cos| a+— |=—cosa——sina.

3 2 2 3 2 2

Loi giai
Ta c6 7[) T . /2| 3.
acl cos| a+—=|=cosa.cos=—sina.sin—=—cosa ——sina -
3 3 3 2 2
, T
Cho tana =2 . Tinh tan(a—zj.

A ——. B. 1. C.

w | o
IS
W | —
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Loi giai

s
tan o — tan —
Ta co tan(a—zj: 4 _2 lzl

l+tanatan% 1+2 3

Céu 25: Két qua nao sau day sai?

A. sinx+cosx:x/§sin(x+§j. B. sinx —cosx =— 2005(x+§j.
C. sin2x +cos2x = \/Esin(Zx —%) . D. sin2x +cos2x = \/Ecos(Zx —Ej
Loi gidai

Taco sin2x +cos2x = \/E[L sin2x + Lcos 2xJ

V2 V2

= \/E(cosgsin 2x + sin%cos 2x]

= 2sin| 2x+ 2 | % 2 sin| 2x - %
4 4

sin x _3 Tex<n ) .
Ciu 26: Cho 5 véi 2 khi d6 tan£x+ZJ bang.
NES B. L. c. 22 . L.
7 7 7 — 7
Loi giai

) 3 9 4
Tur sin x+cos’ x =1= cos x = /1 —sin’ x :i‘/l_Z_S :ig.

Vi Z<x<7z nén cosxz—i do do tanx = S X :—2
2 coSXx 4
T 3
. tanx+tan— ——+1 1
Ta co: tan(x+—j: 4 _ 43 =—.
l—tanx.tanﬁ 1+~ 7
4 4
A . 1 , . T . T M
Cau 27: Cho sina=— v6i 0<a <—. Gid tri cia cos(a +—j bang
V3 2 3
2—-4/6
A. */—. B. V6 -3. c.L_1 D. V6L
2.6 6 2 2

Loi gidi

L 2 6
Ta co: s1n2a+cos2a:1©cos2a:§<:>cosa:T.
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V3 1vJ6 31 1 1 2-6

) 1 )
Taco: cos| a+— |=—cosag——SINAA =———— —==—F=——=—"7.
( 3} 2 2 23 2 3 J6 2 26

Cau 28: Cho hai géc «a, f thoa man sinaz%, (%<a<ﬂj va cosﬂz%, [0<,B<%). Tinh gia tri

dtng ctia cos(a—f).

e B. -8 c. 8 p. ¢
65 65 65 - 65
Loi giai
. 5 (7; j A (5)2 12
sinad=—, | —<a<x|nén cosa=—|1-| —| =——.
13 \2 13 13

3 ;zj o (3)2 4
cosff=—,|0<fB<=|nénsinf=,1-|=-| =—.
p 5 ( p 2 p 5

5
) ) 123 5 4 16
cos(a—f)=cosacos f+sinasinff =——.—+—.—=——
( 'B) p p 135 135 65
Cau 29: Cho sinazg,ae 1;3—” . Tinh gid tri cos a—ﬁ ?
5 22 4
A.Q. B.ﬂ. c. Y2 D.ﬂ.
10 10 10 10
Loi giai

) 1 4 " —4
Ta co: cosza:1—51n2a:—6<:>cosa:i—.Do ae £;3—” = cosa <0 nén cosa =—.
25 5 2 2 5

A 27 200 . . 2lr -4 =2) 3([=2) 2
Vay: COS| d—— |=CoSxCcCOS——+SInasin——=—
4 4 4 5| 2 2

10

5
Céu 30: Biéu thitc M = cos(—53°).sin(~337°)+sin307°.sin113° c6 gia trj bang:

A. —l. B. l C. —ﬁ. D. ﬁ

- 2 2 2 2
Loi gidi.

M =cos(—53°).sin(-337°)+sin307°.sin113°

= cos(—53°).sin (23°-360°)+sin (—53°+360°).sin (90° + 23°)
) 1
= cos(—53°).sin 23° +sin (—53°).cos 23° =sin (23°—53°) = —sin30° = -3
Cau 31: Rut gon biéu thirc: cos54°.cos 4° — cos 36°.cos 86°, ta dugc:
A. cos50°. B. cos58°. C. sin50°. D. sin 58°.
Loi giai.
Ta c6: cos54°.cos4° —co0s36°.cos 86° = cos 54°.cos 4° —sin 54°.sin 4° = cos 58°.

Cau 32: Cho hai géoc nhon a va b voi tana:% va tanb:%. Tinh a+b.
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Az B. Z. c.Z. p. 2%,
3 4 6 3
Loi giai.
+
tan(a+b)=M=l,suyra a+b="
l—-tana.tanb 4
A \ , Ja 3 1 A N
Cau 33: Cho x, y la cac goc nhon, cotx=z, coty=7. Tong x+ y bang:
Az B. 3~ c.Z D. .
4 4 3
Loi giai.
Tacod:
4 7
tan x + tan y §+ 3z
tan(x+y)= = =—1,suyra X+y==r-.

I-tanx.tany _4 -

Cau 34: Biéu thic 4 = cos” x +cos’ [§+ xj +cos’ (%— xj khong phu thudc x va bang:

A2 B2 c 3 D. 2

4 3 -2 3

Loi giai.
Taco:
2 2
A =cos® x + cos? £+x]+cosz(£—x =cos’ x+ ﬁcosx—lsinx + ﬁcosx+lsinx
3 3 2 2 2 2
_3
4 +
4 x/gsin(a+,8)—cc)5\(/(f’8)
Cau 35: Biet sm,B:E, 0<ﬂ<5 va a # k. Gia tri cia bi€u thue: 4= - 3
sina

khong phu thudc vao a va bang

V5 5 V3 3
A, —. B. —. C. —. D. —.
3 3 5 J5
Loi gidi.
4 +
0<p<Z 3 \/gsin(aJrﬂ)—COS\(F’B) s
Ta co 2 = cos # ==, thay vao biéu thirc 4= - 3 =—.
. 4 5 sina \/3
sin f=—
5
) tan£:4tang tanﬁ_a .
Cau36: Néu 2 2 thi 2 bang:

Page 9
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 37:

Cau 38:

3sina B 3sina C 3cosa D 3cosa
= 5-3cosa " 5+3cosa " 5-3cosa " 5+3cosa
Loi giai.
Ta co:
tanﬁ—tang 3tang 3sing.cosg .
tanﬂ_a— 2 2 2 2 2 3sina
2 1+tan'B.tan02( 1+4tan2% 1+3sin2 2 5—3cosa
3 . ) 3 o, N
Cho cosa—z; sina>0; smb=§; cosbh < 0. Gid tri cia cos(a+b). bang:
g 31 31, . 3197
5 4 5 4 5 4
Loi giai.
Taco:
cosa = é f
4 =sina=+l1-cos’a =—
sina >0
sinb = 3 4
_5:>cosb——\/1 sin’h =——.
5
cosb <0
cos(a+b)=cosacosb— smasmb—i — ——7.2——2 l+ﬂ )
4 4 5 5 4
1 3
cos(a——j:— s1n(a——j>0 sm(——bj:— cos(——bj>0
Biét 2 va ; S va Gia tri cos(a—i—b)
bang:
A.24J§—7' B.7—24J§. c.22J§_7. D.7—22J§.
- 50 50 50 50
Loi giai
Chon A
Ta c6

Page 10
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 39:

Cau 40:

Cau 41:

b b a . bY . (a 14 33 33+4
=cos| a——|cos| ——b |+sin| a—— |sin| ——b |=— —+—.—= .
2 2 2 2 25 5

2 10
243-7
50
Rt gon bicu thire: cos(120°— x)+cos(120°+ x)—cosx ta duge két qua la

,a+b

cos(a+b)=2cos 1

A. 0. B. —cosx. C. —2cosx. D. sinx —cos x.
Loi gii.
Chon C
1 3. 1 3.
cos(120°— x)+cos(120°+ x)—cosx =——cosx+75mx—5cosx+75mx—cosx
=-2cosXx

) 3 3 . e N
Cho sma=§; cosa<0; cosbzz; sinb > 0. Gid tri sin(a—b) bang:

1 9 1 9 1 9 1 9
JURLY V) TR {7 A PO OV I | OV, A
- 5( 4) 5( 4) 5( 4) 5( 4

Loi gidi.
Chon A
Taco :

) 3
Slna_g:cosa:—\ll—sinza :—%

cosa<0

3
b=>
COSP=7 s sinb = 1—cos? :g.

sinb >0

sin(a—b)=sinacosb—cosasinb=%%—(—ij ﬂzl(xﬁ+2j

5)4 5 4

- X T , A \ Ay A A A , A
Biét a+ ﬂ+;/=5 va cota, cotf3, coty theo thur ty ldp thanh mdt cap so cong. Tich so

cota.cot 7 bang:

A. 2. B. 2. C. 3. D. 3.
Loi giai.

Chon C

Taco:

tana +tany  cota+coty  2cotf

a+ﬂ+y=£, suy ra cot S =tan(a+y)=
2 I-tanatany cotacoty—1 cotacoty—1

= cotacoty =3.
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Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

DANG 2. AP DUNG CONG THUC NHAN DPOI - HA BAC

Ping thirc nao khéng ding véi moi x ?

1+cos6 .
A. cos® 3x:—x. B. cos2x =1-2sin’ x.
. . ) 1+cos4
C. sin2x=2sinxcosx. D. sin? 2 =~ 207
Loi giai
Chon D
, . 1-cos4
Ta c6 sin” 2x = STCOSTX
2
Trong cac cong thirc sau, cong thirc nao sai?
cot’ x—1 2tan x
A. cot2x=————. B.tan2x=———.
2cotx 1+tan” x
C. cos3x=4cos’ x—3cosx. D. sin3x =3sinx—4sin’ x
Loi giai.
Chon B
2tan x
Cong thuc ding 1a tan2x = ————.
1-tan” x

Trong cac cong thuc sau, cong thirc nao sai?
A. cos2a =cos’ a—sin’ a. B. cos2a =cos’ a+sin’ a.
C. cos2a=2cos’a—1. D. cos2a=1-2sin’a.
Loi giai.
Chon B
Ta co cos2a =cos’a—sin*a=2cos’a—1=1-2sin’ a.
Ménh d& nao sau day diang?
A. cos2a =cos’ a—sin’a. B. cos2a =cos’ a +sin’a.
C. cos2a=2cos’a+1.D. cos2a =2sin"a—1.
Loi giai
Chon A

Cho gbc lugng gidc a. Trong cac khang dinh sau, khiang dinh nao 1a khang dinh sai?
A. cos2a=1-2sin’a. B. cos2a=cos’a—sin’a.
C. cos2a=1-2cos’a. D. cos2a=2cos’a—1.

Loigiai

Chon C
Ta cd: cos2a=cos’a—sin*a=1-2sin*a=2cos’a—1.

Khang dinh nao duéi day SAI?
A. 2sina=1-cos2a. B. cos2a=2cosa—1.

C. sin2a =2sinacosa. D. sin(a+b)=sinacosb+sinb.cosa.

Loi giai
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Chon B
C6 cos2a=2cos’ a—1 nén dap an B sai.

Cau 48: Chon dé4o an dung.
A. sin2x=2sinxcosx. B. sin2x =sinxcosx. C. sin2x=2cosx. D. sin2x =2sinx.

Loi gidi

Chon A

Cau 49: Cho cosx:% xe(—%;O]. Giatri cua sin2x la

A2 B. -2 c.-L. p. 1.
25 25 5 5
Loi giai
Chon B
) 16 9 . 3 .
Taco sinx=1-cos’x=1-— =— =sinx=—> vi xe| -0 |=sinx<0.
25 25 5 2
. . 4( 3 24
Vay sin2x =2sinx.cosx=2.—.| —— [=——.
505 25
Cau 50: Cho cosa = —%, cos 2a nhan gia tri nao trong cac gia tri sau
A -1 B. 2. c. 2. . -2,
9 3 3 3
Loi giai
, , 2\ -1
Taco: cos2a=2cos"a—1=2.| —— | —-1=—.
3 9
Cau 51: Biét cos(a—b)=cosa.cosb+sina.sinb. Véi ==b thi c0s2a ping
A. cos’a+sin’a. B. —cos’a—sin’a. C.cos’a-sina.  D.sin°a—cos’a.
Loi giai
Khi a =—b=>cos2a =cos’ a—sin’a.
Cau 52: Véi a1 sb thuc bat ky, trong cdc ménh dé sau, ménh dé nao sai?
A. sin2a =2sina.cos« . B. cos2a =2cos’a—1.
C. cos2a =-2sin" a +1. D. cos2a =sin’ a—cos’ « .
Loi giai

Ta co: sin2a =2sina.cosa ; cos2a =cos’ o —sina =2cos’ a—1=1-2sin’ «.
Do d6 A, B, C dang; D sai.

a+b\/§ L. . a b ., n Lohe ., e,
, Vo1 a,b,ceZ, c#0 va —,— la cac phan so0 toi gian. Gia tri cua
c c c

biéuthitc S=a+b+c la

Cau 53: Biét rang sin18°=
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Cau 54:

Cau 55:

Cau 56:

A. §S=2. B. S=4. C. §=3. D. S=1.
Loi gidi
Ta cd cos36°=sin54° <> 1—2sin’18° =3sin18°—4sin’18°.

< 4sin*18°—2sin’ 18°—3sin18°+1=0 <:>(sinl8°—1)(4sin218°+2sin18°—1):0

sinl8°=1

< BENG

sin18° =
2

Vi 0°<18°<90°nén 0<sinl8° <1, do dd sinl18°=

~1++/5
—
Suyra a=-1,b=1,¢c=2.Vay S=a+b+c=2.

) 4 | 3rx¢ e \
Cho sm2a=—§ va T<a<7r.Glatr1 cua sina la

A2 B. L. e 25 p. Y5
5 5 5 5
Loi giai
Ta co:
RY/4 .
@T<a<7r:>sma>0.
RY/4
@7<2a<27z:>cos2a>0.
4 9 3
® cos’2a=1-sin’2a=1-| —— | ==—=cos2a ==.
5 2 5
1-=
. 1-cos2a 5 1 . 5
® sin“a = = =—=sina=— .
2 2 5 5
3z . N
Cho cosa:—§;3<a<7r thi sin2a bang
A 24 B. 24 c. 2 p._2
- 25 25 5 5
Loi giai
Vi %<a<7z nén sina >0; cosa:%.
Taco sin‘a+cos’a=1= gno 2.
5
sin2a=2sinacosa=2.i._—3=_—24
55 25
Trong cac khing dinh sau, khang dinh nao sai?
A. cos3x+cosx=2c0s2x.COSX. B. cos3x—cosx =2sin2x.sinx.
C. sin3x—sinx =2cos2x.sinx. D. sin3x+sinx =2sin2x.cosx.
Loi giai
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Cau 57:

Cau 58:

Cau 59:

Cau 60:

c0s3x—cosx =-2sin2x.sin x

Véi a la sb thuc bat ky, ménh dé nao sau day la ménh dé dang?

A. cos2a +cosda=2cos2a.cosba . B. sin2¢ +sin4a =2sin ¢.cos 3 .

C. cos2a —cos4a =-2sin3a.sina . D. sin2a —sin4a =-2cos3a.sin«x .
Loi giai

Ta co:

200 +4a 200 — 4o
cos

cos2a +cosda =2cos =2cos3acosa. Do db A sai.

200 +4a s2(:(—40{

sin 2¢ +sin4a = 2sin 5 .CO =2sin3a.cosa . Do do B sai.

cos2a —cos4a =-2sin 205-;405 .sin 20[;40[ =2sin3a.sina . Do d6 C sai.

20+4a . 2a-4a
.sin 5

sin2a —sin4a =2 cos =-2cos3a.sina . Do d6 D dung.

S6 khang dinh dung trong cac khang dinh sau:
(I)cosacosbh :%[cos(a —b)+cos(a +b)] )

(1) sinasinb :%[cos(a—b)—cos(owb)] .

(1) cosa+cosb:2cosa+bcosa;b
(V1) sina—sinb:2cosa+bcosa;b.
A 0. B.1. C. 2. D. 3.

Loi gidi

Khing dinh (V7)sai nén c6 3 khing dinh dtng.

C . | 5
Neéu sinx +cosx = ) thi sin2x bang

A.i. B.i. C.Q. D._—3.
4 8 2 - 4
Loi giai
Chon D

. 1 . ) . ) 1 . -3
Taco s1nx+cosx:5<:>sm X+ 2sin x cos x + cos x:Z <:>s1n2x:7

Biét rang sin® x + cos’x = a+bsin’ 2x, véi a,b 1a cac sb thyc. Tinh 7 =3a+4b.
A.T=-7. B.T=1. C.T=0. D.T=7.
Loi giai
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Chon C

Ta c6 sin® x+cos®x = (sin2 X+ coszx)3 —3sin? x.coszx(sin2 X+ coszx)
. 2 2 3 . 2

=1-3sin" x.cos le—zsm 2x.

Vay azl,b:—%. Dodd6 T=3a+4b=0.

. 3 2
Cau 61: Cho sin2a = s Tinh gia tri bi€u thitc 4 =tana +cota

4 2 1
A. A=—. B. A=—. C.A=§. D.A=—6.
3 3 - 3 3
Loi giai

Chon C

sind cosa sin’ a+cos’ a 1 1 8
A=tana+cota = +— =— =7 =T3-%"

cosa Ssiha sina cosa Lein2g L2 3

2 2 4

Céu 62: Cho a,b 14 hai goc nhon. Biét cosa = %,cosb :%. Gid tri ctia bieu thire cos(a+b)cos(a—b)

bang

A - B. -1 c. -3 p. -7

— 144 144 144 144
Loi giai

Chgn A

Tu cosa=§:>cos2a=20032a—l=—%

cosb=l:>c:052b=2cos2b—l=—%
Taco cos(a+b)cos(a—b)=l(0052a+cos2b)=l A T
2 20 9 8 144
Cau 63: Cho s thuc & théa man sina =%. Tinh (sin4ea +2sin2a)cosa
B B. L. c. 2 D. 22
128 16 128 - 128

Loi gidi
Ta co (sin4a+2sin2a)cosa = Zsin2a(c052a+1)cosa = 4sin0¢cosoc(1—25in2 a+1)cosa

2
:4sina(1—sin2a)(2—25in2a) :8(1—sin2 a)2 sin o 28(1—%J i =%-

Ciu 64: Cho cota =15, gid tri sin2a co6 thé nhan gi tri nao dudi day:
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Cau 65:

Cau 66:

Cau 67:

Cau 68:

LN B. 12 c. 2 p. L .
113 113 - 113 113
Loi giai
Chon C
sin*a =—— 15
cota=15 = — =226 = 226 =sin2a=+——-.
sin” a 2 225 113
cos” a=——
226

DANG 3. AP DUNG CONG THUC BIEN POI TiCH THANH TONG, TONG THANH
TiCH

M¢énh dé nao sau day sai?

1 . Ir.
A. cosacosbza[cos(a—b)+cos(a+b):|. B. smacosb:5[sm(a—b)—cos(a+b)].

) ) 1 ) 1. }
C. smasmbzzl:cos(a—b)—cos(a+b):|. D. smacosb:5[sm(a—b)+sm(a+b)].
Loi giai

Chon B
Tacd sinacosh = %[sin(a +b)+sin(a —b)] )

Trong cac dang thirc sau, dang thirc nao sai?

A. cos(a—b)=cosa.cosb+sina.sinb. B. cosa.cosbh = %[cos(a +b)+cos(a —b)] .
C. sin(a—b) =sina.cosb—sinb.cosa . D. cosa+cosb =2cos(a+b).cos(a—>b).
Loi gidi
Chon D
, a+ a—-b
Ta co: cosa+cosb=2cos .COS 5
Cong thue nao sau day la sai?
a+b a—>b .. a+b . a-b
A. cosa+cosb=2cos 5 .COS 5 B. cosa—cosb=-2sin .sin
C. sina+sinb:2sina+b.cosa;b . D. sina—sinb = 2sin a;b.cos a;b .
Loi giai

Chon D

a+b . a-b
.sin

Ta co sina—sinb =2cos

sin3x +cos2x —sinx

Rt gon biéu thirc 4 = (sin2x # 0;2sinx +1# 0) ta dugc:

Ccosx +sin2x —cos 3x
A. A=cotbx. B. A=cot3x.
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C. A=cot2x. D. A=tanx +tan2x + tan 3x.
Loi gidi
Chon C
A sin3x +cos2x —sinx _ 2cos2xsinx +cos2x _ cos2x(l+ 2sin x) ~ cot Oy
cosx +sin2x —cos3x  2sin2xsinx+sin2x  sin2x(1 + 2sin x) '
A , - A , . T . T
Cau 69: Rut gon bi€u thirc P =sin (a + Zj sin (a —Zj
A. —zcos2a. B. lcosZa. C. —gcos2a. D. —lCOSZa.
2 2 3 2
Loi giai
Chon D
L T . Via 1 Vs 1
Taco: sin| a+— |sin| a—— |=—| cos——cos2a |=——cos2a.
4 4) 2 2 2
Cau 70: Bién doi biéu thirc sine —1 thanh tich.
A. sina—1=2sin| a—Z |cos| a+ 2 |. B. sina—1=2sin & T leos| E4 2.
2 2 2 4 2 4
C. sina—1=2sin| @+ |cos| a—Z |. D. sina—1=2sin| £+ 7% |cos| L2 1.
2 2 2 4 2 4
Loi giai
Chon B
Vs T
r aty oy a a
sina —1=sina —sin—=2cos 2 §in 2 _ocos| L1l |sin| L2,
2 2 2 2 4 2 4
Céu 71: Rt gon bidu thie p = S0Sa+2cos3atcosda
sin a + 2 sin 3a +sin 5a
A. P=tana. B. P=cota. C. P=cot3a. D. P=tan3a.
Loi gidi
Chon C
p_ cosa+2cos3a+cosSa 2cos3acosa+2cos3a
sina+2sin3a+sinS5a  2sin3acosa+2sin3a
20053a(cosa+1) cos3a
=— =— =cot3a.
2sin3a(cosa+1) sin3a
Cau 72: Tinh gia trj biéu thirc P = sin 30°.cos 60° +sin 60°.cos30° .
A. P=1. B. P=0. C. P=43. D. P=—/3.
Loi giai
Chon A
Taco P =sin(30°+60°)=sin90" =1.
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Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Gia tri dung cua cos 27” +cos 47ﬂ + cos 67” bang:

AL B. —L. cl D. -1,
2 - 2 4 4
Loi giai.
Chon B
. 27 4 6r
sin —| cOS— +C0S—— + COS ——
, 2 4r 6 7 7 7 7
Ta cd6 cos—+cos—+cos— =
7 7 7 sinﬁ
7
. 3. T . Sz . RY/4 . ) Sm ) T
sin— +sin| —— |+sin— +sin| —— |+sin 7 +sin| —— sin| ——
_ 7 7 7 7 7 _ 7 =_l
2sinZ 2sin "~ 2
7 7

Gia tri dung cua fan—— + tan Iz bang:
24 24

A. 2(V6-3). B. 2(V6 ++3). C. 2(\3-42). D. 2(\3+42).

Loi giai.
Chon A
sin
tan£+tan7—”: 3 = 3 22(\/8—\/3).
24 24 V4 r T b4
COS—.COS—— COS—+COS—
24 24 3 4

Biéu thirc 4 = —25in70° c6 gia tri dung bang:

2sin10°
A. 1. B. 1. C. 2. D. -2.
Loi giai.
Chon A
e ‘1 2sin70° = 1—4sin‘100.soin70° _ 25%n80§ _ 2s?n102 i
2sin10 2sin10 2sin10”  2sinl0

Tich s§ €0s10°.c0s30°.c0s50°.c0s 70° ping:

AL B.1. c > p. L.
16 8 — 16 4
Loi giai.
Chon C
c0s10°.c0s30°.co0s50°.cos 70° = cos 10°.cos 30°%(cosl20° +cos 20°)
3 _c0s10°  c0s30°+cos10° _ﬁ l_ﬁ
4 2 2 44 16
Tich sb cosz.cos4—”.coss—ﬁ bang:
7 7 7
Al B. -1, c L D. -1,
- 8 8 4 4
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Loi giai.
Chon A
. 27 A Sz . 27 27 A . 4r A
= Ax 5, SI—_-.C0S—=.cOs—_~ sin —.CO0S —.COS —— sin—.cos —
COS—.COS—.COS— = 7 7 7 __ 7 7 7 __ 7 7
7 7 2sinZ 2sin£ 4sinZ
7 7 7
sin — 1
8sin — 8
, t °+tan40°+t °+t °
Cau 78: Gia tri dung cua bicu thirc 4 = an 307+ tan 407+ tan 50° + tan 60 bang:
c0s20°
2 4 6 8
A, —. B. —. C. —. D. —.
J3 J3 3 — B
Loi giai.
Chon D
sin 70° sin110°
A tan 30° + tan 40° + tan 50° + tan 60° _ €0830°.c0s40°  cos50°.cos 60°
c0s20° c0s 20°
1 1 2 2 c0s50°++/3 cos40°
c0s30°.cos40° cos50°.cos60° \/§c0s40° cos50° \/gcos40°.c0s 50°
_5 sin40°++/3cos40° | sin100° _ 8cosl0° _i
\/gcos 40°.cos 50° \/§ \/§c0510° x/§ '

7(cos10° +¢0590°)

) . 1 1 . .
Cau 79: Cho hai géc nhon a va b . Biét cosa:§, cosb:Z. Gia tri cos(a+b).cos(a—b) bang:

A 13, . -1 c. 17 p. -2
144 144 144 - 144
Loi giai.
Chon D
Taco:

1 , , 1 (1Y 119
coSstla .CoS\a— =—\COS Za + COS =COS a-—+CoS —1=|— — —1= .
(a+b).cos(a—b) 2( 2a+cos2b) +cos’ b—1 + 1

3) 4 144
N , 2 , sin x +sin 2x +sin 3x
Cau 80: Rut gon bicu thic 4 =
COSX+C0s2x+cos3x
A. A =tan6x. B. 4=tan3x.
C. A=tan2x. D. 4 =tan x+tan2x + tan 3x.
Loi giai.
Chon C
Taco:
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Cau 81:

Cau 82:

Cau 83:

sinx+sin2x+sin3x _ 2sin2x.cosx+sin2x _ sin2x(2cosx+1)

A= = = = tan 2x.
COSX+0082x+c0s3x 208 2x.cosx+cos2x  cos2x(2cosx+1)
Bién ddi biéu thirc sina +1 thanh tich.
A. sina+1=2sin ﬁ+£ cos a_r . B. sina+1=2cos £+£ sin a_r .
2 4 2 4 2 4 2 4
C. sina+1=2sin a+£ cos a—Z . D. sina+1=2cos a+Z sin a—Z )
2 2 - 2 2

Loi giai.
Chon D

2
.. .a a .,a a . a a . (a «
Taco sina+1=2sin—cos—+sin’ —+cos’ — =| sin—+cos— | =2sin’| —+—
2 2 2 2 2 2 4

2
.(a & T a .(a & a
=2sin| —+— |cos| ——— | =2sin| —+— |[coS| ——— |.
(545 o 55 )2l 55 Jeos(5 5

DANG 4. KET HQP CAC CONG THU'C LUQNG GIAC

. i A T oo 2 a
Cho goc o théa man E<a<7r va s1n3:—.T1nhg1atr1 cta biéu thtrc A:tan(E—Z].

NG

A.A:l. B. A=—. C. 4=3. D. A=-3.
- 3 3

Loi giai
Chon A

< Y T _a T a
Vlgocathoaman5<a<7rnenz<5<— suyracos5>0.

.a 2 a ., 1
Do sin—=— nén cos—=,/l—-sin"— =—.
NG 2 2 5

i o 7z tan——1
Bidu thirc A = tan(———] -2
2 4 tang+1

Do do tan%=2.

Vay biéu thuc a=271 1
2+1 3

Cho cosx:%(—%<x<oj. Gia tri ciia tan2x la

i 5 ; X}

A, —. . . .
2 - 7 2 7

Chon B
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Cau 84:

Cau 85:

Cau 86:

242

) 8 )
sm2x=1—coszx=l—§=§ =sinx=———.

3

2tanx 42 42

l—tan’x -7 7

= tanx:—2\/5 = tan2x =

Cho cosx =0. Tinh A:sinz(x—%jwtsinz (x+%j.

A. % B. 2. C.1. D.

N

Loi gidi

Chon A

Ta cd cos2x=2cos’ x—1=—1. Str dung cong thirc ha bac va cong thirc bién ddi téng thanh

tich ta duoc:

1—cos(2x—§j+l—cos[2x+§j 1
A= :l—cos2xcos£:1+—
2 3 2

3
2

. 2 . L.z , cota+3tana .
Cho biét cosa = 3 Gia tri cua biéu thitc P=———— bang bao nhiéu?

2cota +tana

A P=2, B.P=2. c.p=-2. p.P=—2,
13 13 13 13
Loi giai
Chon A
Ta co: cosa:—g:tanza: 12 ~1= ! 2—1:2
3 cos” o -2 4
3
1+3tan’ & 5
2 2
2cota +tana 2 tang 2ttan’a 2+tata 5 5 13
tan o tan
Cho sina.cos(a+,8)=sinﬁ voi (Z+ﬂ¢%+k7[, a¢%+l7r, (k,leZ)' Ta co

A. tan(a+fB)=2cota .B. tan(a+ B)=2cot 3.
C. tan(a+,6’):2tanﬂ.2. tan(a+ﬂ):2tana.
Loi giai

Chon D
Ta c6 sina.cos(a+ ) =sinff < %[sin(2a +,B)—sin,8] =sin A

@sin[(a+ﬂ)+a]:3sinﬂ < sin(a+ B)cosa +sinacos(a + B)=3sin

Swu tdm va bién soan
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o .
@sm(a ﬂ)cosa+sina:—3smﬁ
cos(a+f) cos(a+ f)
<:>sin(05+,3)_ 3sin _sina *)
cos(a+f) cosacos(a+p) cosa
sin 3 . N 3sina sina
—————=sina, suyra (*) < tan(a+ f) = - =2tana
cos(a+ ) cosa  cosa
Vay tan(a+f)=2tana.
s 1 2. cos(ax ) . 2
CAu 87: Biét ring - ——+ tanzx = ( ) (a,beR). Tinh gid tri ciia biéu thirc
cos’x—sin’x 1—tan’x b—sin(ax)
P=a+b.
A. P=4. B. P=1. C.P=2. D. P=3.
Loi giai
Chon D
2sin x
Ta co: 1 N 2.tanx 1 L_COSX  _ 1 N 2sinx.cosx

. - ) - .
cos’x—sin’x l—tan’x cos2x sinx  cos2x cos’x—sin’x

1
cos’ x

1, sin2x I+sin2x _(1+sin2x)cos2x _(I1+sin2x)cos2x

- - 2 22
coS2x CcoS2x cos2x cos” 2x 1-sin“2x

2
=B Vaya=2,b—1.Suyra P=a+b=3.
1-sin2x

Ciu 88: Cho cos2a = % Tinh gi4 trj cia bidu thitc P = cosa.cos3a .

A P=_L. B.p=_. c.p=>. D. >
18 9 9 18
Loi gidi
Chon D
Taco
1 1 1 (2 2
P:cosa.cos3a:—(cos2a+cos4a):—(200322a+cos2a—1):— 2102 +=-1 :i.
2 2 2 3 3 18
(ﬂ<x<—J sin(x+—j
Cau 89: Chotanx=2 2 ) Giatri cia 3/ 1a
2-3 2+3 2+3 2443
A. . e c. Y2 D. .
245 245 245 245
Loi gidi
Chon B
Page 23
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Cau 90:

Cau 91:

RY/4 .
7z<x<7 suyra sinx <0, cosx<0.

Ta co: 1+ tan® x =

2 2

1 1
Scosfx=——— < costx=— < cosx =+
CcoS” X 1+tan” x 5

ol

n R 1
Do cosx <0 nén nhan cosx = ——.
J5
sin x . 2
tan x = —>sinx =tan x.cosx = ——

coS X J5

5

. T . T . T
S| x+— |=smx.coS—+cosx.simm—=| ——— |.— —r—
( 3) 3 3 ( 2\

NG

Téng A=tan9 +cot9 +tanl5 +cotl5 tan27 cot27 bang:

A. 4. B. 4. C. 8. D. -8.
Loi giai.

Chon C

A=tan9°+cot9°+tan15°+cot15°—tan 27°—cot 27°

=tan9°+cot9°—tan27° —cot27°+ tan15°+cot15°

=tan9°+tan81°—tan 27° —tan 63°+tan15°+cot15°.

Ta c6

—sin18° N sin18°
€0s9°.cos27° cos81°.cos63°
c0s9°.cos 27°—cos81°.cos 63° _sin18°(cos9°.00527°—sin9°.sin27°)
c0s81°.c0s63°.c0s9°.cos27° ) B

4sin18°.cos36° _ 4sinl8° 4

(cos72°+c0890°)(cos36°+c0s90°)  cos72°

tan 9° —tan 27° + tan 81° —tan 63° =

=sinl&°
c0s81°.c0s63°.c0s9°.cos27°

sin’15°+cos’15° 2

tan15°+cot15° = — =—
sin15°.cos15° sin 30°

Viay 4=8.

) .. | 1 ., .
Cho hai goc nhon a va b véi smazg, s1nb:5. Gia tri cua sin2(a+b) la:

N 2W2+73 . 32 +73 c W2+73 o 52 +73

18 ) 18 = 18 ) 18
Loi giai.
Vs T
’ O<a<— 2«/5 O0<b<— 3
Ta co =cosa=——; = cosh=—.

: 1 3 ) 1 2

sing =— sinb=—
3 2
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Cau 92:

Cau 93:

Cau 94:

Cau 95:

sin2(a+b)=2sin(a+b).cos(a+b) =2(sina.cosb+sinb.cosa)(cosa.cosb+sina.sinb)

:4ﬁ+7ﬁ_

18

2c0s2 20 +~/3sinda -1
2sin? 2a+\/§sin4a—l

Biéu thirc A4 = c6 két qua rat gon 1a:

cos(4a +30°) B cos(4a—30°) c sin (4a +30°) sin (4 —30°)
) cos(4a—30°)' ) cos(4a+30°)' = sin(4a—30°)' ) sin(4a+30°)'
Loi gidi.
Ta co :

2c0s’ 2a ++/3sinda —1 _ cosda ++/3sin4a B sin(4a +30°)
2sin 2a ++/3sinda—1  +/3sin4a —cosda sin(4a —300) '
Két qua nao sau day SAI?

A=

sin9°  sinl2°

A. sin33°+cos60° = cos 3°. B. — =— .
sin48° sin81°
. 2 ) 1 1 4
C. c0s20°+2sin 55°=1+\/§sm65°. D. + =—.
c0s290°  3sin250° /3
Loi giai.

in 9° in12°
Tacé: s'm = s.1n <> sin9°.sin81°—sin12°.sin48°=0
sin48° sin&1°

o %(cos 72°—cos90°)—%(cos 36°—-c0s60°) =0 <> 2c0s72°—2¢c0s36°+1=0

& 4c0s”36°—-2¢0s36°—1=0. Suy ra B diing.
Tuong tu, ta cling chimg minh dugc cac biéu thire & C va D ding.
Biéu thirc & dap an A sai.
Néu S5sina =3sin(a +24) hi:
A. tan(a+ f)=2tan 8. B. tan(a + ) =3tan f.
C. tan(a+fB)=4tan B. D. tan(a + ) =5tan S.

Loi gii.
Tacod:
Ssina =3sin(a +2p) <:>5sin[(a+,8)—ﬁ]:3sin[(a+,[j’)+ﬂ]
< 5sin(a+ f)cos f—5cos(a + B)sin B =3sin(a + f)cos S +3cos(a + B)sin B

< 2sin(a + B)cos f=8cos(a+ B)sin f < :;r;((z-:?g :42:;’? < tan(a+ f)=4tan S.

Cho biéu thitc 4 =sin’(a+b)—sin’ a—sin’ b. Hay chon két qua ding:

A. A=2cosa.sinb.sin(a+b). B. 4=2sina.cosb.cos(a+b).

C. A=2cosa.cosb.cos(a+b). D. A=2sina.sinb.cos(a+b).
Loi gidi.

Taco:
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Cau 96:

Cau 97:

_1—cosZa_1—cos2b
2 2

A=sin’(a+b)-sin’ a—sin’ b =sin’ (a+b)
=sin? (a+b)—1+%(c052a+cos2b) =—cos’(a+b)+cos(a+b)cos(a—b)

:cos(a+b)[cos(a—b)—cos(a+b)] =2sinasinbcos(a+b).

Xéc dinh hé thuc SAI trong céac hé thirc sau ?
cos(40°—a)
cosa

NG

B. sin15°+tan30°.cos15° = T

A. cos40°+tan a.sin 40° =

C. cos’ x — 2cosa.cosx.cos(a+x)+cos’ (a+x)=sin’a.

D. sin® x+2sin(a —x).sinx.cos a +sin’ (a — x) = cos’ a.
Loi gidi.

Ta co :

sina . o co0s40°cosa +sin40°sin & cos(40° —a)
sin40° = = .
cosa cosa cosa

c0s40° + tan ¢z.sin 40° = cos 40° +

A ding.

sin15°.c0s30°+sin30°.cos15° sin45° \/6 .
= =—. B dung.

sin15°+tan30°.cos15° = =
cos30° cos30° 3

cos’x — 2cos a.cos x.cos(a +x)+cos2 (a+x)

= cos” x+cos(a+x)[ —2cosacos x+cos(a+x) | =cos’ x—cos(a+x)cos(a—x)

=cos’ x—%(cos 2a+cos2x) = cos’ x—cos’ a—cos’ x+1=sin’ a. C ding.

sin” x +2sin (a —x).sin x.cosa +sin’ (a — x) =sin® x +sin (a — x)(2sin xcos a +sin (a - x))
=sin’ x +sin(a—x)sin(a +x) = sin’ x+%(cos 2x—cos2a)

- 2 2 LA . 2 .
=sin"x—cos  a—sin" x+1=sin"a. D sai.

© | &

) . 2 , .
Cho «a, f thoa man sma+smB=7 va cosa +cosf=——. Tinh cos(a—f)+sin(a+f).

1243 4433 3 b ﬁ
D. ==

A. . B. . C.—.
6 2 2

Loi gidi

Ta co:

(1)

N | —

. . 2 . . . .
sma+smﬂ=7<:>sm2a+sm2ﬂ+2smasmﬂ=
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Cau 98:

Cau 99:

cosa+cosﬁ=—6<:>cosza+coszﬁ+2cosacosﬂ=% (2)

Cong vé theo vé (1) voi (2) ta dugc

sin® a +sin” B +cos’ @ +cos” f+2sinasin f+2cosa cos =2

< 2+2(sinasin f+cosacos f)=2 < 2cos(a—f)=0< cos(a—B)=0.
Tir gia thiét ta lai co:

V2 6

22

(sina +sin f)(cosa +cos B) =

. . . . 3
<:>smacosa+smacos,8+smﬂcosa+smﬂcosﬂ=7

B3

@%(sin2a+sin2ﬂ)+sin(0{+ﬂ):7.
Mit khac sin 2 +sin 2 = 2sin(a + B)cos(a— ) =0.

J3

Suy ra sin(a+ﬂ):7.

o[%

Vay cos(a—f)+sin(a+f)=

Cho tam giac ABC . Tinh gia tri ctia biéu thirc 4 =sin> 4 +sin> B +sin> C —2cos Acos Bcos C.
A. 1. B. 3. C.2. D. 0.

Loi gidi
sin® A+sin’ B+sin>C = 1—c;s2A + 1—c3523 +1-cos’C=2—- cos2AJ2rcosZB —cos’ C

=2—cos(A4+B)cos(A—B)—cos’ C
=2—cos(z—C)cos(A—B)=2+cosCcos(A—B)—cos’ C
2cosAcosBcosC:(cos(A+B)+cos(A—B))cosC:(—cosC+cos(A—B))cosC

A=2+cosCcos(A4—B)—cos’ C+cos’ C—cosCcos(A—B)=2

- 2
Cho sinx+cosx = Gid tri ctia biéu thirc A4 = cos4x —sin® x —w bang.
5 3tan” x+2
QEELLCY B. —>. c. 8. D. - 2%
- 625 25 625 625

Loi giai

.. 7 . 5 ) ) 49 ) 49 ) 24
Taco: sinx+cosx=—=sin" x+2sinxcosx+cos " x=—=1+sin2x =— =sin2x = —.
5 25 25 25
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. 2 +sin’ x . 2+1—-cos’x
A=cos4x—sin’ x————— =cosdx—sin’ x—-——————
3tan“ x+2 3tan“ x+3-1
. 3—cos’x ., 3—cos’x
=cosdx—sin” x— > =cosdx—sin" x—————
3(tan” x+1)-1 3,
cos’ x

2 2
(3 —CoS x)cos X

.2 . .
=cos4x—sin’ x — =cosdx—sin’x—cos’x =1-2sin*2x—1

3—cos’x
2
— 2sin?2x =2 22 _ 152
25 625

Céu 100: Biéu thuc 4c05(%—ajsin[%—a} =m+nsin’ a, voi m,neZ .Khi 86 m* —n’ bang

A 7. B. 15. C. 7. D. -15.
Loi giai

. T T A~ . (7 Vs
Taco ——a va g+a phu nhau nén 51n(§—a]:cos(g+aj.

Suy ra 4cos(£—ajsin(£—aj = 4005[1_05}005(&4_“)
6 3 6 6
1 V2 T T T
=4.—<cos| ——a+—+a |tcos|| ——a |-| —+t«a
R G|

= 2-{cos%+cos(—2a)} = 2-cos§+2-cos2a

= 2~%+ 2.(1—23in2a) =1+2—4sin’a =3 —4sin’« .

DANG 5. MIN-MAX

CAu 101: Gia tri nhé nhat cua sin® x+cos® x 1a
A. 0. B. l C. l
2 4
Loi giai

o | —

Ta co

. . 3 . . 3. 3
sin® x +cos’ x = (sm2 x +cos’ x) —3sin’ xcos’ x(sin” x + cos’ x) =1 —Zsm2 2x2>1 2 =

n|—

Déu “=" xay ra khi va chi khi sin’ 2x =1< cos2x =0 < 2x=%+k7r<:>x=%+k%(k eZ).

Céu 102: Gia tri 16n nht cia M =sin® x + cos* x bang:
A 4. B. 1. C.2. D. 3.
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Cau 103:

Cau 104:

Cau 105:

Loi giai
i 1.,
Ta co M=1—Esm 2x
Vi 0<sin’x<1

= —lS —lsin2 2x<0
2 2

@lsl—lsinzbcﬁl.
2 2

Nén gié tri 16n nhat 13 1.

Cho M =3sinx+4cosx . Chon khing dinh ding.
A. -5<M<sS. B. M >5. C. M2=5. D. M <5.
Loi giai

M=5 Esinx+icosx =5sin(x+a) voi cosa=§;sina=—
5 5 5 5
Taco: —1<sin(x+a)<1

< —5<5sin(x+a)<5.

Gia tri 16n nhat cia M =sin® x —cos’ x bang:
A. 2. B.3 C.0.
Loi gidi

=

Ta co.
M = (sin2 x—cos’ x)(sin4 x+sin® xcos® x + cos* x)

< 2 2
:—cos2x(1—sm X COS x)

=—Cos 2x(1 - %sin2 2xj

=—cos2x i+lcosz2x S§+lcosz2x£§+l:1 (docos2x<1).
474 474 44

Nén gié tri 16n nhat 13 1.

1+ tan x°

Cho biéu thirc M = = (x #* —%+ km,x # %+ kr,k e Zj , ménh dé nao trong cac m¢nh

(1+tanx)
dé sau diing?

A. M <1, B. M > C.—<M<I1. D. M <1,

1
e
Loi gidi

bat r=tanx, re R\{-1}.
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Cau 106:

Cau 107:

Cau 108:

1+ —t+1

Tacd: M = = =(M-1) +(2M +1)t+M -1=0.

(1+t)3 241

V61 M =1 thicd nghiém r=0.

V&i M =1 dé c6 nghiém khac —1 thi.

A20<:>(2M+1)2—4(M—1)220@12M—320@M2%.

Va(M ~1)(=1) +(2M +1)(=1)+(-1) -1 0= M # 4.

Cho M = 6cos” x+5sin® x . Khi d6 gia tri 16n nhat cua M 1a
A. 11. B. 1. C. 5. D. 6
Loi giai
M=6(1—sin2 x)+55in2x:6—sin2x
Tacod: 0<sin’x<1, VxeR
< 0>-sin*x>-1,VxeR
< 6=26-sinx>5, VxeR.
Gia tri 16n nhat1a 6.
Gia tri 16n nhét cua biéu thirc M =7 cos® x —2sin® x 1a
A. 2. B. 5. C.7. D. 16.
Loi giai
M=7(1—sin2 x)—2sin2x =7-9sin’ x
Tacod: 0<sinx<1
< 0>-9sin*x>-9,VxeR
& 7>7-2sin*x>-2.
Gia tri l6n nhat1a 7.
DANG 5. NHAN DANG TAM GIAC
Cho 4, B, Cla cac goc cua tam giac ABC thi.
A. sin2A4+sin2B >2sinC. B. sin2A4+sin2B <2sinC.
C.sin2A4+sin2B >2sinC. D. sin24+sin2B =2sinC.

Loi giai

Ta co: sin24+sin2B =2sin( A+ B).cos(A4—B)=2sin(z —C).cos(A4—B)

=2sinC.cos(A4 - B) <2sinC. Déu dang thirc xdy ra khi cos(4—B)=1< 4=B.
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Cau 109:

Cau 110:

Cau 111:

Mot tam gidc ABC c6 cac goc A4, B,C thoa man singcos3 g—singcos3 g =0 thi tam gidc do

co gi dac bi¢t?

A. Tam giac d6 vuéng. B. Tam giac d6 déu.

C. Tam giac d6 can. D. Khong c6 gi dac biét.
Loi gidi

Chon C

. A . B
sin—  sin—
2 _ 2

Ta co sinﬁcos3 ﬁ—sinécof A_ 0
2 2 2

2A_ 3B
cos’ = cos’ —
2 2

A , A B , B A B A B
& tan—| 1+tan” — |=tan—| l+tan” — [ tan—=tan— < —=—< 4= B.

2 2 2 2 2 2 2 2
Cho A4, B, C 1acac gbc cua tam giac ABC thi cot A.cot B+ cot B.cot C +cot C.cot 4 bang :
A. (cot A.cot B.cotC )2 . B. Mot két qua khéc cac két qua da néu trén.
C. 1. D. 1.

Loi giai

Chon C
Ta c6 cot A.cot B+ cot B.cot C'+cot C.cot 4

B 1 N 1 N 1 _tanA+tanB+tanC
tan A.tan B tan B.tanC tanC.tan 4 tan A.tan B.tanC

Mit khac tan A+ tan B+ tan C = tan (A4 + B)(1—tan 4.tan B)+tan C
=tan(7—C)(1—tan A.tan B)+tan C =—tan(C)(1—tan A.tan B)+tanC =tanC.tan 4.tan B .

Nén cot A.cot B+cotB.cotC+cotC.cotA=1.

Cho 4, B, C labala cac goc nhon va tanA:%; tanB:%, tanC:%.Téng A+B+C bé“mg
AL B. Z. c.Z. p. Z.
5 4 3 6
Loi giai
1.1
Taco tan(A+B)= tand+tanB _ 3 5 :Z_
1—-tan A.tan B 1_11 9
2°5
7+1
tan(A+B)+tanC 9 Q
Suy ra tan(A+B+C):tan[(A+B)+C]: ( ) -9 8 _4
1-tan(A+B).tanC 1_11
98

Vay A+B+C:%.

Page 31
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Céu 112: Biét 4, B, C 1a cac goc cua tam giac ABC, khi do.

A. cot A+—B =c0t£. B. cos A+B =cos£.
2 2 2 2

Loi giai
Vi A4, B, C la cac gbc cua tam gidc ABC nén A+ B+C =180" = C =180 —(A+B).

:%=9O°—A+B.Dodé % va A+ 8

la 2 goc phu nhau.

A+B C . A+B C A+B C A+ B
; cosE=sm ; tan— = cot ; cotzztan .

. C
=> sIn— = COS

Cau 113: A4, B, C, laba goc cua mQt tam giac. Hay tim h¢ thirc sai:

A. sin4=-sin(24+B+C). sinA:—cos—3A+B+C
B.

A+B+3C D. sinC =sin(4+B+2C).

C. cosC =sin
Loi giai
sin( A4+ B+2C)=sin(180° ~C+2C) =sin (180’ + C) =—sinC.
Cau 114: Cho 4, B, C lacac goc cua tam giac ABC thi:

A. tan 4 +tan B +tan C =tan A.tan B.tan C . B. tanA+tanB+tanC=—tan§.tan§.tan%

C.tanAd+tanB+tanC =—tan A.tan B.tanC. D. tanA+tanB+tanC:tan%.tang.tan%.
Loi gidi

sin(A+B) . sinC

Ta co: tan A+ tan B+tan C =(tan A+tan B)+tanC = i
cos A.cosB cosC

=tan A.tan B.tan C .

cos A.cos B.cosC

. C —cos( A4+ B)+cos A.cos B sin A.sin B.sinC
=sinC. =
cos A.cos B.cosC

Céu 115: Biét 4, B, C 1a cac goc cua tam giac ABC, khi do.

. [A+B C . (A+B C
A. sin =cos—. B. sin =—Ccos—.
2 2 2 2

C. sin A+B :sing. D. sin A+B :—sing.
2 2 2 2

Loi gidi

Vi 4, B, C la cac goc cua tam giac ABC nén A+ B+ C =180’ :>C=180"—(A+B).
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:%:900—“3. Do dé % va A8 132 66c phu nhau,
. C A+B C . A+B C A+B C A+ B
= sin— = cos ; COS— =sin ; tan— = cot ; cot— = tan
2 2 2 2
Céu 116: Néu a =2b vaa+b+c = z. Hiy chon két qua ding.
A. sinb(sinb+sinc)=sin2a. B. sinb(sinb+sinc)=sin’a.
C. sinb(sinb+sinc)=cos’ a. D. sinb(sinb+sinc)=cos2a.
Loi gidi
a 3a
a+b+c=r,a=2b=>b=—;c=1——
2 2
sinb (sinb +sin c) =sin’ b +sinb.sinc= 1-cos2b + cos(b-c) ; cos(b+c)
_1-cosa—cos(z—a)+cos(2a—z) 1-cos2a . ,

3 =sin"a.
Cau 117: Cho 4, B, C lacac goc cua tam giac ABC thi:
.sin2A4+sin2B+sin2C =4sin A.sin B.sinC .
sin2A4+sin2B+sin2C =4cos A.cos B.cos C .
.sin2A4+sin2B+sin2C =—4cos A.cos B.cosC .
.sin2A4+sin2B+sin2C =4sin A.sin B.sinC .
Loi giai

T A ® >

Ta cO: sin2A4+sin2B+sin2C =(sin24+sin2B)+sin 2C

=2sin(A4+ B).cos(A4—B)+2sinC.cosC =2sin C.cos(4— B)+2sin C.cosC
= 2sinC.(cos(A—B)+cosC) =4sinC.cos(A—B—C).cos(4—B+C)

=4sin C.cos A_Z;_C.cos A_§+C =4sin C.cos(%—AJ.cos(%—BJ =4sinC.sin A.sin B .

Cau 118: A4, B, C, laba goc cua mot tam giac. Hay chi h¢ thic sai:

A. cot M :—tanﬁ. B. cos ﬂ =—sinB.
2 2 - 2
C. sin M =cos2C. D. tan M :—cotg.
2 2 2
Loi giai

co

A-2B+C 180°—~B—-2B o 3B . 3B
S =COS =cos| 90 —7 :slnT.

Céu 119: Biét 4,B,C 1a cic goc cua tam giac ABC khi do.
A. cosC=cos(A4+B). B. tanC=tan(A4+B).
C. cotC =—cot(A4+B).D. sinC =—sin(A4+B).

Loi giai
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Vi 4,B,C la céac goc cua tam giac ABCnén A+ B+C=180°= C=180°—(A+B).
Do d6 (A+B)va Cl1a2 goc bu nhau.
sin C =sin(A+ B);cos C =—cos(A4+B).
tan C = —tan( A4+ B);cot C = cot( A4+ B)

Céu 120: Cho 4, B, C 1a cac goc ciia tam gidc ABC thi cot 4.cot B+ cot B.cot C + cot C.cot 4 bang
A. Mot két qua khac cac két qua dd néutrén.  B. 1.
C. -1. D. (cot A.cot B.cot C)z.
Loi gidi

Tacd: cot A.cot B+cot B.cotC+cotC.cot 4.

B 1 N 1 N 1 _ tan A+ tan B +tan C
tan A.tan B tanB.tanC tanC.tan 4 tan A.tan B.tanC

Mt khéc : tan A+ tan B+ tan C = tan (A4 + B)(1—tan A.tan B)+tan C..
=tan (7 —-C)(1-tan 4.tan B)+tanC .

=—tanC(1—tan A.tan B)+tanC =tanCtan A.tan B.

Nén cot A.cot B+cotB.cotC+cotC.cot A=1.
Cau 121: Cho 4, B, C lacac goc cua tam giac ABC thi:

A B C A B C
A. cot—+cot—+cot— = cot—.cot—.cot—.
- 2 2 2 2 2 2

A B C A B C
B. cot—+cot—+cot— = —cot—.cot—.cot—.

2 2 2 2 2 2
C. cot§+cot§+cot%=cotA.cotB.cotC.

D. cot§+cot£+cot% =—cot A.cot B.cotC.

Loi giai

, A B C ( A Bj
Ta co: cot—+cot—+cot— =| cot—+cot— |+cot— =
2 2 2 2 2 sin—.sinz sin —

2
A B . A . B
sin£+siné.sin§ cos +j+sm.sm cos—.cosg.cosé
=Ccos— —cos£ 2 2 2 2 _ 2 2 2
T2 . C . A . B 2 . C . A . B . C . A . B
sin —.sin—.sin — sin —.sin—.sin — sin —.sin —.sin—
2 2 2 2 2 2 2 2

A B C
=cot—.cot—.cot—.
2 2 2

Cau 122: Cho 4, B, C laba géc cua mdt tam giac. Hay chon hé thuc ding trong cac hé thirc sau.
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Cau 123:

Cau 124:

Cau 125:

. cos’ A+cos’ B+cos® C =1+cos A.cos B.cos C.

>

cos® A+cos’ B+cos*C =1-cos A.cos B.cosC.
. cos’ A+cos’ B+cos’ C=1+2cos A.cos B.cosC.

oIN w

. cos’ A+cos’ B+cos’ C=1-2cos A.cos B.cosC.
Loi giai

Taco:

1+cos2A 1+cos2B
5 + +

cos® A+cos’ B+cos’ C = cos’ C

=1+cos(A+B)cos(A—B)+cos’ C =1—cosCcos(A—B)—cosCcos(A+B)
=l—cosC[cos(A—B)+cos(A+B)] =1+2cos Acos BcosC.

Hay chi ra cong thirc sai, néu 4, B, C 1a ba gbc ciia mot tam giac.

A. cosﬁcosg—singsin£=sin£. B. cos B.cosC—sin B.sinC+cos A =0.
2 2 2 2 2
. B c . C C
C. sm—cos—+sm—cos;=cosz. D. cos® A+cos’ B+cos’ C—2cos Acos BcosC =1.

Loi gidi
cos( A+ B)=—cosC = cos A.cos B+cos C =sin 4.sin B
=> cos’ A.cos’ B+2cos A.cos B.cos C +cos’ C =sin” A.sin” B = (1 —cos’ A)(l —cos’ B)
=1-cos® 4—cos’ B+cos” A.cos’ B

= cos’ A+cos’ B+cos’ C+2cos A.cos B.cosC =1

. . in B+sinC : . .
Cho tam gidc ABC ¢6 sin 4 = u. Khang dinh nao dudi day dung?
cos B+cosC
A. Tam giac ABC vudngtai 4. B. Tam giac ABC cantai A.
C. Tam giac ABC déu. D. Tam gidc ABC 1a tam giac tu.
Loi gidi
. B+C B-C
sin B +sinC 2sin cos > Ccos—
Tacd sind=—————<>sind = % B_C<:>sinA= Y
cos B+cosC 2cos cos sin —
2 2
CoS—
<:>2sin£cos—= <:>2sin2£=1
2 . 2
sin—
2

< cosA=0= 4=90° suy ra tam giac ABC vudng tai 4.

s 1 ) 13
Cho bat dang thirc 0052A+——(20032B+4s1nB)+TS 0 v6i 4,B,C 1a ba goc cla

4

64cos” 4
tam gidc ABC Khang dinh dung la:
A. B+C=120°. B. B+C=130°. C. A+B=120°. D. A+C=140°.
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Cau 126:

Cau 127:

Loi gidi
1

Tu gia thiét suy ra: 2cos” 4+
8 Y 64cos’ 4

—(2—4sinzB+4sinB)+%SO

3

& cos’ A+cos? A+;4+4sinzB—4sinB+ls— (*)
64cos” 4 4

1
AD BDT Cauchy thi cos® 4+cos* A+————2>= (1)

3
64cos* 4 4
Mt khac 4sin> B—4sin B+1=(2sinB-1)° >0(2)

Tr, va suy ra bdt thoa man khi va chi khi dau bang & va xdy ra

coszA:ﬁ cosA:l 4 =60°

= 16 cos = 21 =< B =30°
sinB=— sinB=— ~ _on°

2 2 C =90

Nén B +C =120° Chon A

1 1 1 . .
Cho 4, B, C lacac goc nhon va tanA=E, tanB=§, tanC=§.T6ng A+ B+ C bang:
Az B. Z. c.Z. p. Z.
6 5 4 3
Loi gidi
tan 4+ tan B

= =~ +tanC
tan(A+B)+tanC | pan 4 tan B

1—tan(A+B).tanC_ Mt
l—tan A.tan B~

tan(A+B+C)= =1 suyra A+B+C=%.

an C

Cho A4, B, C laba goc cua mot tam giac. Hay chi ra hé thuc SAL

. A+B
A. s1n+T+3C=cosC. B. cos(A+B—C):—cos2C.
A+B-2C 3C A+B+2C C
C. tan—— =cot—. D. cot——=tan—.
2 - 2
Loi gidi

Ta co:
A+B+C=ﬂ2%=%+c :sinAL;&C:sin(%-i-Cj:cosC. A dung.

A+B—-C=71-2C = cos(A+B-C)=cos(r—2C)=—-cos2C. B dung.

A+B-2C n 3C
—————=———>=tan

A+B-2C_ (7 3C
2 2 2

n| ——— :cotg. C dung.
2 2 2
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Cau 128:

Cau 129:

A+B+2C _n C

A+B+2C Vs
=—+ cot——  =cot
2 2 2

—+£ :—tang. D sai.
2 2 2

Cho A4, B, C laba goc cua mot tam giac. Hay chi ra hé thuc SAL

B . C
=sm5. B. cos(A4+B+2C)=—-cosC.

A. cos

C. sin(4+C)=-sinB. D. cos(A+B)=-cosC.

Loi giai
Ta co:
A+B n C A+B T C . C ,
=——— =>C0S =cos| ——— |=sin—. A dung.
2 2 2 2 2 2

A+B+2C=7+C = cos(A+B+2C)=cos(w+C)=—cosC. B ding.
A+C=7r-B :>sin(A+C):sin(7z—B):sinB. C sai.

A+B=7—C = cos(A+B)=cos(z—C)=—cosC. D ding.

Cho A4, B, C laba goc cua mot tam giac khong vuong. H¢ thirc nao sau day SAI?
B C . B.C . A

A. COS—COS——SIn—sSin— =sin—.
2 2 2 2 2

B. tan A+ tan B +tan C = tan A.tan B.tan C.
C. cot A+cotB+cotC =cot A.cot B.cotC.

A B B C C A
D. tan—.tan—+tan—.tan—+tan—.tan— =1.
2 2 2 2 2 2

Loi gidi
Taco:
B cC . B.C B C 7 A . A .
+ c0S—Cc0S— —sin—sin— = cos| —+— | =cos| ——— |=sin—. A dung.
2 2 2 2 2 2 2 2 2
+ tan 4+ tan B + tan C = tan A.tan B.tan C <:>—tanA(l—tanBtanC):tanB+tanC
tan B+tan C
@tanA:—ucnanAz—tan(B+C).Bdﬁng.
l-tanBtanC

+ cot A+ cot B+cot C = cot 4.cot B.cot C <> cot A(cot Beot C—1) = cot B+cot C

1 cotBcotC—1

(:} =
cotA cotB+cotC

< tand = cot(B+C). C sai.

A B B C C A A B C B C
+ tan—.tan—+tan—.tan—+tan—.tan— =1 < tan—.| tan—+tan— |=1—tan—.tan —
2 2 2 2 2 2 2 2 2 2 2

tan§+‘[ang
= 1 = 2 2 @cotéztan £+£ . D dlng.
¢ A 2 2 2
an— |—tan—.tan —
2 2 2

BANG DAP AN

| LA | 2B | 3D | 4C | 5¢ | 6A | 7B | 8C | 9D | 10D |
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11.C 12.C 13.B 15.C 16.D 17.D 18.B 19.A 20.A 21.D
22.C 23.C 24.D 25.D 26.C 27.D 28.A 29.D 30.A 31.A
32.D 33.B 34.C 35.C 36.B 37.A 38.A 39.A 40.C 41.A
42.C 43.D 44.B 45.B 46.A 47.C 48.B 49.A 50.B 51.A
52.C 53.D 54.A 55.D 56.A 57.B 58.D 59.D 60.D 61.C
62.C 63.A 64.D 65.C 66.B 67.D 68.D 69.C 70.D 71.B
72.C 73.A 74.B 75.A 76.A 77.C 78.A 79.D 80.D 81.C
82.D 83.A 84.B 85.A 86.A 87.D 88.D 89.D 90.B 91.C
92.C 93.C 94.A 95.C 96.D 97.D 98.D 99.C | 100.A | 101.C
102.C | 103.B | 104.A | 105.D | 106.B | 107.D | 108.C | 109.B | 110.C | 111.C
112.B | 113.D | 114.D | 115.A | 116.A | 117.B | 118.D | 119.B | 120.C | 121.B
122.A | 123.C | 124.C | 125.A | 126.A | 127.C | 128.D | 129.C | 130.C
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 3: HAM SO SO LUQNG GIAC VA PO THI

<0> LY THUYET.

I. HAM SO CHAN, HAM SO LE, HAM SO TUAN HOAN
1) Ham s6 chéin, ham sb 1é

&
el

Cho ham s6 y = f{x) vdi tap xac dinh D.
« Ham s6 y = f{x) dugc goi 12 ham s6 chdn néu Vx € D thi —x € D va f(— x) = f(x).

» Ham s6 y = flx) dudgc goi 1a ham s6'[é néu Vx € D thi —x € D va fi—x) = — fix).

Chu y
« D6 thi ham s6 chiin nhin truc tung 1am truc doi xdng.
« D4 thi ham s6 1é nhéin goc toa do 1am tam doi xdng.

b) Ham so tuan hoan

z

ho ham s6 y = f(x) v6i tap xdc dinh D. Ham s6 y = fix) dudc goi 12 tudn hoan néu
ton tai mot sd T khac 0 sao cho véi moi x € D, ta cé:
* x+TeD vax-TeD;
* ix+1T) = flx).

S6 T duong nhd nhit thod man (néu c6) cdc tinh chat trén dudc goi 1a chu ki cla
ham s6 tuan hoan dé.

Nhan xét

Cho ham s6 tuin hoan chu ki 7. Tit @6 thi ham s& d6 trén doan [a ; a + T, ta dich chuyén
song song vdi truc hoanh sang phai (hoiic sang trdi) theo doan ¢6 do dai 7 thi duge do thi
ham s6 trén doan [a + T ; a + 27] (hoic [a — T ; a]).

IL. Ham s6 y =sinx

1. Pinh nghia:
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xd

uy tic dit tuong dng mdi s6 thuc x véi mot so thuc sinx duge goi 1a him s6 y = sinx.

Tap xdc dinh cua ham s0 y = sinx la R.

2. Do thi va tinh chit ciia haim s6 y =sinx

e TXD: D=R

e Hamsb y=sinx xéac dinh trén R, nhan gié tri trén doan [-1;1] va

La ham s0 1¢ vi: sin(—x)=—sinx, Vx eR.
e Laham s6 tuan hoan véi chu ky 27 .

N ~ . Vd A = . b TE TC s o
« Him s0 y = sinx dong bién trén mdi khoang [——+k21t : —+k211:} nghich bién

trén mdi khodng (g+ k2m 3—; + k2n) véik € Z.

Ham s6 y =sinx nhan cac gia tri dac biét:

Usinx=0=x=kr,keZ.

O sinlecx:%+k2ﬂ',kez.

O sinx:—1<:>x:—2+k27r,keZ

D6 thi ham s6 y=sinx:

II1. Ham s6 Y =COSX

1. Dinh nghia:

e

Quy tic dit tuong tng mdi s6 thuc x véi mot s6 thuc cosx duge goi 1a ham sd y = cos.x.

Tap xéc dinh clia ham s6 y = cosx 1a R.

2. Do thi va tinh chit ciia ham sé y = cos x
e TXD: D=R
e Hamsb y=cosx x4c dinh trén R, nhén gia tri trén doan [-1;1] va
e Laham sb chan vi: cos(—x)=cosx,VxeR.

e Laham s6 tuan hoan véi chu ky 27 .
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» Ham s y = cosx ddng bién trén mdi khoang (- m + k2m ; k2x), nghich bién trén
mdi khodng (k27 ; & + k27) v6i k € Z.

Ham sd y = cosx nhan cac gia tri dac biét:

O cosx=0<:>x=%+k7z,keZ.

Ucosx=1lox=k2r,keZ.
[l cosx=—1l<x=n+k2rn,keZ

D6 thi ham s6 y =cosx:

III. Ham s6 y = tan x

1. Pinh nghia:

[ Quy tic dit tuong ding mdi s6 thuc x € D véi mot s6 thuc tanx dude goi 1a ham s&

y = tanx. TAp xéc dinh cla ham s6 y =tanx1a D =R \{% +knlke Z}.

2. Do thi va tinh chit ciia ham sé y = tan x

TXD: R\{%+k7r,keZ}

sin x

Hamso y=tanx =

nhan gia tri trén R
Cos X

La ham sb chén vi: tan(—x) =tanx,Vxe R\{%-i—kﬂ,k € Z} .

e [.a ham s0 tuan hoan véi chu ky 7.

o

« Ham s0 y = tanx dong bién trén mdi khoang [—g+k1r : g+knJ véikeZ

Ham s6 y =tanx nhan cac gia tri dac biét:

[Jtanx=0<=x=kn,keZ.

O tanx=1<:>x=%+kzz,keZ.

0 tanx:—1<:>x:—%+k7r,keZ

Page 47
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Do thi ham sé y =tanx:

"o e 7

|
A
Y
|
=
A

=y

0

Ak
A
v =

-

el

|

=

a2

wd

(R

A
-

P

III. Ham s6 y = cotx

1. Pinh nghia:

[ Quy tic dit tuong ting mdi s6 thuc x € E véi mdt s& thyc cotx duge goi 1a ham s&
y = cotx. Tap xdc dinh cia hAm s6 y =cotx 1A E=R \ {kn | k € Z}.

2. Do thi va tinh chit ciia ham sé y = cot x

e TXD: R\{kﬂ,keZ}.

\ e COS X
e Hamso y=cotx=—

sin x
La ham s6 1& vi: cot(—x)=—cotx,Vx e R\{k7;k € Z}.

nhan gia tri trén R .

e L[a ham s6 tuan hoan véi chu ky 7.

« Ham s6 y = cotx nghich bién trén mdi khoang (k= ;  + k) véi k € Z.
Ham s y = cot x nhén céc gia tri dic biét:

O cotx=0<:>x=%+kﬂ,keZ.
Vs
O cotx=l<:>x=z+k7r,keZ.

O cotx=—1c>x=—%+k7r,keZ

Do thi ham sd y = cot x:

¥

0

(S5
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@ HE THONG BAI TAP TU LUAN

DANG 1. TAP XAC PINH CUA HAM SO

<0 KIEN THUC CAN THIET.

TAP XAC PINH CUA HAM SO LUQONG GIAC CO BAN.

Ham sb y=sinx;y=cosx cOtdp xadcdinhla R.
Ham sé y = tan x co tap x4c dinh 1a R\{%+kn,keZ}.

Ham s y = cotx c6 tap xac dinh 1a R\{k7,k e Z}.

PHUONG PHAP

+ Tim diéu ki¢n dé ham s6 c6 nghia
+ Giai ra diéu Kkién

+ Suy ra tap xéc dinh ciia ham s

Chii y: Cho ham s6 y = f(x) x4c dinh béi:

y=f(x):%lu’uy Q(x);tO

+ y=f(x)=2,"/Q(x) thi y:f(x) c6 nghia khi Q(x)ZO

P(x)

+ y=f(x)—W luuy O(x)>0
+ y:tan(u(x)) xac dinh <:>u(x)¢§+kn; keZ.

+y= cot ())xacdmh@u( )£k, keZ.

<0>BAI TAP.

Cau 1:  Tim tap x4c dinh cia ham sd y = tan(x —%)

Cau2: Tim tap x4c dinh cia ham sé y = cotz(%r— 3x)

A A on s 1a A tan 2x
Cau 3: Tim tap x4c dinh cua ham s6 y =—
sinx+1

+ cot(3x + %)
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A g s "1 £ tan 5x
Tim tap xé4c dinh cuia hams6 y=———
sin4x—cos3x

Tim tap xac dinh cua ham s6 y=~/3+2cosx

2
Tim tap xé&c dinh cua ham s6 y =sin

2x—1
Tim tap xac dinh ciia ham s6 y =3 cot (2x+3)

s A , . . \ X sin x
Tim tdp xac dinh cia ham 6 y = ————
sin” x —cos” x

Tim tap xéac dinh cua cac ham s6 sau

a) y=sinx+cosx b). y=sinvx+4 c) y

e) y:cot(g+xj f).y=+3-2cosx gy

. 2
1) y=cot(3x+£j+ fan 2x

6) sinx+1

Cau 10: Tim m dé ham so0 sau xac dinh trén R.

a) y=+2m—3cosx b)y= 2

\/sinzx—2sinx+m—1

1+tanx T
=— d). y=tan| x+—
sin x 4
1+sinx sin x

sin® x —cos” x

VCOSX

J) y=\/5+2cot2x—sinx+cot(§+xj

Cau 11: C6 bao nhiéu gi4 tri nguyén ciia tham sd m dé ham s y = \/S—msinx—(m +1)cosx xac dinh

trén R.

Swu tdm va bién soan
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DANG 2. XET TINH CHAN LE CUA CAC HAM SO LUQNG GIAC CO BAN

<0 KIEN THU'C CAN THIET.

Pinh nghia: Cho ham s6 y = f(x)xé4c dinh trén D

- Ham s6 f duogc goi 1a ham s6 chan néu véi moi xthude D, ta c6 —x ciling thugc D va

S(=x)=f(x).
- Ham sb f dugc goi la ham s6 1& néu véi moi xthudec D, ta cO —x cling thugc D va
S(=x)==1(x).

Phwong phap giai
Ta thuc hién theo cac budc sau:

Buoc 1: Tim tap xac dinh D cua ham s6, khi do:
] Néu D la tap d6i xtmg (tirc 1 Vx € D = —x € D), ta thuc hién tiép budc 2.

] Néu D khéng phai 1a tap dbi xtmg (tic 1a Ix e D ma —x ¢ D ), ta két luan ham s6 khong chin
cling khong 1¢€.

Buéc 2: Xac dinh f(—x), khi do:

I Néu f(-x)=f(x) két luan ham sb la ham chin.

) Néu f(—x) = —f(x) két luan ham s6 14 ham 1¢.

] Ngoai ra két luan ham sé khong chin ciing khong 1¢.
Chii y: Vi cac ham s lugng giac co ban, ta co:

1. Ham s6 y =sinx 1a ham s6 1é.

2. Ham s y =cosx 1a ham s6 chin

3. Ham sé y =tanx 1a ham s6 lé.

4. Ham s6 y =cotx 1a ham s6 lé.

* Lwu y: Mot s6 cong thirc lién quan dén viéce xir 1i ddu « — »

1. Cong thirc hai cung d6i nhau:

sin(—x) = —sinx; cos(—x) = cosx; tan(—x) = —tan x; cot(—x)=—cotx
> =

3. (—x)n =x" khi n chanva (—x)" =—x" khi n 1é.
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<0> BAI TAP.

Cau 12:

Cau 13:

Cau 14:

Xét tinh chan 1é cua cac ham so sau

a) y=2xsinx y=2xsinux. b) y =cosx+sin2x.
cos2x 7 )
c) y= . d) y=tan’ 2x.sin5x.
X
Xét tinh chén 1& ciia cac ham sd sau
, 97 sin*”"" (x) +2020
a) y=tanx+cotx b) y=sin| 2x+— c) y= , NEZ
2 cos(x)

Xéc dinh tat ca c4c gié tri ciia tham s0 m dé ham sd f (x)=3msin4x+cos2x 1a ham chin.

DANG 3: TINH TUAN HOAN CUA HAM SO

<0 KIEN THUC CAN THIET.

Chu y:

Pinh nghia: Ham s y = f(x) c6 tap x4c dinh 1a D duoc goi 1a ham s6 tudn hoan, néu ton tai

mot sO 7 # 0 sao cho voi moi x € D ta co:

U x-TeDvax+TeD.
O f(x+T)=f(x).
S6 dwong 7' nho nhét thoa min cac tinh chit trén dugc goi 1a chu ki ham sb tuan hoan do.

Nguoi ta chirng minh dugc rang ham s6 y =sinx tuan hoan véi chu ki 7' =27 ; ham so
y=cosx tuan hoan véi chu ki 7 =27 ; ham s y =tanx tuan hoan véi chu ki 7=z ; Ham so

y=cotx tudn hoan véichuki 7'=r.

") Str dung dinh nghia ham s6 tuan hoan va tim chu ki ctia né.
"] Str dung cac két qua sau:

7 /4 2 . 2

- Ham s6 y = A.sin(ax+5b) (A.a #0) 1a mot ham s6 tuan hoan véichu ki T = ﬁ
a

\ £ PV AL A \ L s 27

- Ham s0 y = A.cos(ax+b) (A.a #0) 1a mot ham s6 tuan hoan véichu ki T = W
a
-Ham sé y = A.tan(ax+b) (A.a # 0) 1a mot ham s6 tudn hoan véi chu ki T =ﬁ
a

\ £ VR A A \ I . T
- Ham s0 y = A.cot(ax+b) (A.a #0) 1a mot ham s6 tuan hoan véichu ki T = ﬂ
a

-Néuham s6 y = f(x) chi chira cac ham s6 luong gidc ¢6 chu ki lan luot 1a T, T,,..., T, thi

ham s f c6 chuki T 1a boi chung nho nhat cia T,, T,,..., T, .
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-Néuhamsb y = f(x) tudn hoan véi chu ki T thi ham s6 y = f(x) +¢(c 1a hang sd) ciing 1a
ham sé tuan hoan véi chu ki T.

Mt s6 déu hiéu nhin biét ham sé y = f (x) khong phdi la ham tudn hoan

Ham s y = f(x) khong phai la ham tuan hoan khi mot trong céc diéu kién sau bi vi pham:
+ Tap xac dinh cua ham sb 1a tap hitu han.

+ Tdn tai s6 a sao cho ham s khong xéac dinh v6i x >a hodc x<a.

+Phuong trinh f(x) =k c6 nghiém nhung s6 nghiém hiru han.
+Phuong trinh f(x)=k c6 v s6 nghiém sép thir tu:

<X, <X, <.

n+l

ma |x, —x,,,|—0 hay oo.

<0> BAI TAP.

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Xét tinh tuan hoan va tim chu ki (néu c6) ctia ham s6 sau: y =cos’ x—1.

e o A NN N S (2 2
Xét tinh tuan hoan va tim chu ki (néu cd) cua ham s6 sau: y =sin| —x [.cos| —x |.
Xét tinh tuan hoan va tim chu ki (n€u c6) ctia ham s6 sau: y =cosx+ cos<\/§ .x)

Chtrng minh rang ham s6 sau 1a ham s6 tuan hoan va tim chu ki cuia né: y =

sinx

Cho a,b,c,d 1a cic sb thuc khac 0. Ching minh rang ham s6 f(x) = asincx+bcosdx 1a ham

56 tudn hoan khi va chi khi g 14 s6 hitu ti.

Cho ham sb y = f(x) va y=g(x) 1a hai ham s tuan hoan v&i chu ky 1an lugt 1a 7,,T,. Ching

minh rang néu I 14 s6 hitu ti thi cac ham s& f(x) % g(x); f(x).g(x) 12 nhitng ham s6 tuan hoan.
2

Tim chu ki (n€u cd) ctia cac ham so sau:
a) y=1-sin5x. b) y=cos’x—1.

b)c) y= sin(%xj.cos(%x] .d) y= cosx+cos(\/§.x)

Tim chu ky ctia ham s6: f (x)=sin3x+3cos2x.
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DANG 4: GIA TRI LON NHAT, GIA TRI NHO NHAT CUA HAM SO LUQNG GIAC

<0 KIEN THUC CAN THIET.

PHUONG PHAP GIAI TOAN
1){—1£sinx£1 2){0S|SinX|Sl 3){0Ssin2x§1 " {OS\/sinx <1

—1<cosx<l1 0£|cosx|£l 0<cos’x<1 0<+cosx <1

<0> BAI TAP.

Cau 23: Tim GTLN - GTNN cuia cac ham sb sau:

a.y=2+3cosx. b.y=35in(x—%)—2,
c.y=+4cos’ 2x+1 . d.y=3-2sinx]|.
e.y:2(sin4x+cos4x)+3 . f.y=3sin2x—-12 véi xe[—%;%]
y=dcos?| 2 |-7 vei xe[0;7].

gy =dc08 (3= 17 161 ve[0is]

Cau 24: Tim GTLN — GTNN ciia cac ham s6 sau:
a.y=-2sin’ x+3sinx—1
b. y =cos” x + 2sinx+2

c.y=cosx+2cos2x
d.y=(1—cos2 x)2—2cos2x+1

e.y =2sin’ x —sin x + 2 trén doan [0;7]
f.y=2cosx+cos2x—8 trén doan[—%;%} )

g.y=tan’ x—tanx+1trén doan{—%;%} .

h.y=sinx+cosx+4sinxcosx+7 .

———sinx——— vdi O0<x<r.
sin” x sin x

o N . o N A 2
i. Tim min cua ham so: y =sin” x +
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 3: HAM SO SO LUQNG GIAC VA PO THI

<0> LY THUYET.

I. HAM SO CHAN, HAM SO LE, HAM SO TUAN HOAN
1) Ham s6 chéin, ham sb 1é

&
el

Cho ham s6 y = f{x) vdi tap xac dinh D.
« Ham s6 y = f{x) dugc goi 12 ham s6 chdn néu Vx € D thi —x € D va f(— x) = f(x).

» Ham s6 y = flx) dudgc goi 1a ham s6'[é néu Vx € D thi —x € D va fi—x) = — fix).

Chu y
« D6 thi ham s6 chiin nhin truc tung 1am truc doi xdng.
« D4 thi ham s6 1é nhéin goc toa do 1am tam doi xdng.

b) Ham so tuan hoan

z

ho ham s6 y = f(x) v6i tap xdc dinh D. Ham s6 y = fix) dudc goi 12 tudn hoan néu
ton tai mot sd T khac 0 sao cho véi moi x € D, ta cé:
* x+TeD vax-TeD;
* ix+1T) = flx).

S6 T duong nhd nhit thod man (néu c6) cdc tinh chat trén dudc goi 1a chu ki cla
ham s6 tuan hoan dé.

Nhan xét

Cho ham s6 tuin hoan chu ki 7. Tit @6 thi ham s& d6 trén doan [a ; a + T, ta dich chuyén
song song vdi truc hoanh sang phai (hoiic sang trdi) theo doan ¢6 do dai 7 thi duge do thi
ham s6 trén doan [a + T ; a + 27] (hoic [a — T ; a]).

IL. Ham s6 y =sinx

1. Pinh nghia:
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xd

uy tic dit tuong dng mdi s6 thuc x véi mot so thuc sinx duge goi 1a him s6 y = sinx.

Tap xdc dinh cua ham s0 y = sinx la R.

2. Do thi va tinh chit ciia haim s6 y =sinx

e TXD: D=R

e Hamsb y=sinx xéac dinh trén R, nhan gié tri trén doan [-1;1] va

La ham s0 1¢ vi: sin(—x)=—sinx, Vx eR.
e Laham s6 tuan hoan véi chu ky 27 .

N ~ . Vd A = . b TE TC s o
« Him s0 y = sinx dong bién trén mdi khoang [——+k21t : —+k211:} nghich bién

trén mdi khodng (g+ k2m 3—; + k2n) véik € Z.

Ham s6 y =sinx nhan cac gia tri dac biét:

Usinx=0=x=kr,keZ.

O sinlecx:%+k2ﬂ',kez.

O sinx:—1<:>x:—2+k27r,keZ

D6 thi ham s6 y=sinx:

II1. Ham s6 Y =COSX

1. Dinh nghia:

e

Quy tic dit tuong tng mdi s6 thuc x véi mot s6 thuc cosx duge goi 1a ham sd y = cos.x.

Tap xéc dinh clia ham s6 y = cosx 1a R.

2. Do thi va tinh chit ciia ham sé y = cos x
e TXD: D=R
e Hamsb y=cosx x4c dinh trén R, nhén gia tri trén doan [-1;1] va
e Laham sb chan vi: cos(—x)=cosx,VxeR.

e Laham s6 tuan hoan véi chu ky 27 .
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» Ham s y = cosx ddng bién trén mdi khoang (- m + k2m ; k2x), nghich bién trén
mdi khodng (k27 ; & + k27) v6i k € Z.

Ham sd y = cosx nhan cac gia tri dac biét:

O cosx=0<:>x=%+k7z,keZ.

Ucosx=1lox=k2r,keZ.
[l cosx=—1l<x=n+k2rn,keZ

D6 thi ham s6 y =cosx:

III. Ham s6 y = tan x

1. Pinh nghia:

[ Quy tic dit tuong ding mdi s6 thuc x € D véi mot s6 thuc tanx dude goi 1a ham s&

y = tanx. TAp xéc dinh cla ham s6 y =tanx1a D =R \{% +knlke Z}.

2. Do thi va tinh chit ciia ham sé y = tan x

TXD: R\{%+k7r,keZ}

sin x

Hamso y=tanx =

nhan gia tri trén R
Cos X

La ham sb chén vi: tan(—x) =tanx,Vxe R\{%-i—kﬂ,k € Z} .

e [.a ham s0 tuan hoan véi chu ky 7.

o

« Ham s0 y = tanx dong bién trén mdi khoang [—g+k1r : g+knJ véikeZ

Ham s6 y =tanx nhan cac gia tri dac biét:

[Jtanx=0<=x=kn,keZ.

O tanx=1<:>x=%+kzz,keZ.

0 tanx:—1<:>x:—%+k7r,keZ
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Do thi ham sé y =tanx:

"o e 7

|
A
Y
|
=
A

=y

0

Ak
A
v =

-

el

|

=

a2

wd

(R

A
-

P

III. Ham s6 y = cotx

1. Pinh nghia:

[ Quy tic dit tuong ting mdi s6 thuc x € E véi mdt s& thyc cotx duge goi 1a ham s&
y = cotx. Tap xdc dinh cia hAm s6 y =cotx 1A E=R \ {kn | k € Z}.

2. Do thi va tinh chit ciia ham sé y = cot x

e TXD: R\{kﬂ,keZ}.

\ e COS X
e Hamso y=cotx=—

sin x
La ham s6 1& vi: cot(—x)=—cotx,Vx e R\{k7;k € Z}.

nhan gia tri trén R .

e L[a ham s6 tuan hoan véi chu ky 7.

« Ham s6 y = cotx nghich bién trén mdi khoang (k= ;  + k) véi k € Z.
Ham s y = cot x nhén céc gia tri dic biét:

O cotx=0<:>x=%+kﬂ,keZ.
Vs
O cotx=l<:>x=z+k7r,keZ.

O cotx=—1c>x=—%+k7r,keZ

Do thi ham sd y = cot x:

¥

0

(S5
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@ HE THONG BAI TAP TU LUAN

DANG 1. TAP XAC PINH CUA HAM SO

<0 KIEN THUC CAN THIET.

TAP XAC PINH CUA HAM SO LUQONG GIAC CO BAN.

Ham sb y=sinx;y=cosx cOtdp xadcdinhla R.
Ham sé y = tan x co tap x4c dinh 1a R\{%+kn,keZ}.

Ham s y = cotx c6 tap xac dinh 1a R\{k7,k e Z}.

PHUONG PHAP

+ Tim diéu ki¢n dé ham s6 c6 nghia
+ Giai ra diéu Kkién

+ Suy ra tap xéc dinh ciia ham s

Chii y: Cho ham s6 y = f(x) x4c dinh béi:

y=f(x):%lu’uy Q(x);tO

+ y=f(x)=%0(x) thi y=f(x) co nghiakhi O(x)>0.

P(x)

+ y=f(x)—W luuy O(x)>0
+ y:tan(u(x)) xac dinh <:>u(x)¢§+kn; keZ.

+y= cot ())xacdmh@u( )£k, keZ.

<0>BAI TAP.

Cau 1:  Tim tap x4c dinh cia ham sd y = tan(x —%)
Loi gidi

Diéu kién: cos(x—%)¢0<:>x—%¢%+k7z’<:>x¢27ﬁ+k7r
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TXD: D:R\{zTﬂ+k7z, k ez}.
A \ A , . 5 \ A 2 27[
Cau 2: Tim tap xac dinh cua ham s6 y = cot (T —-3x)
Loi giai

Pidu kién: sin(zT”—3x)¢O<:>2Tﬂ—3x¢k7r @x;t%”—k%

TXD: D:R\{%Tﬂc%,kez}.

A A e s Z tan 2x T
Cau 3: Tim tap x4c dinh cua ham s6 y =— +cot(3x+—)
sinx+1 6
Loi giai.
. T
sinx #—1 xXz——+k2x

Piéu kién: | ju =
sin(3x + g) =0 . n  km

Vay TXD: D=R\|-Zsk2r-ZE 57 p ez
2 18 3

A A on » o ra A tan Sx
Cau4: Tim tap xac dinh cla hams6 y=———
sin4x —cos3x

Loi giai.

Ta co: sindx—cos3x =sindx—sin [% - 3xj

x ). (7x =«
=2c0s| —+— [sin| ———
5+5)(5-5)

cosSx#0 10 5

Diéu kién: {cos £+£ 20 < x¢£+k27r
2 4 2

T k2w
sin(7—x+£j¢0 X#F——t—

14 7
Vay TXD: D=R\|Z L BT oy 7 K2R
10 5°2 7
Cau 5: Timtépxécdinhcﬁahémséy=\/3+2cosx
Loi giai
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Ciu 6:

Cau 7:

Cau 8:

Cau 9:

ham sé xéac dinh khi 3+2cosx20<:>cosx2—% (ding VxeR),vi -1<cosx <1, VxeR.

Suy ratap xacdinh la D=R.

2
Tim tap x4c dinh ctia ham s0 y =sin

2x—1
Loi giai

2

ham s6 xac dinh <

o

Tim tap xac dinh ciia ham s6 y =3 cot (2x+3)

i1 xac dinh < 2x—1¢0<:>x¢%.Tap xé4c dinh ctua ham s
x_

Loi giai

3cos(2x + 3)

y=3cot(2x+3)= Sin(2v53)

ham sb xac dinh < sin (2x+3)#0 < 2x+3#kx

<:>x¢—§+k—ﬂ,(keZ).
2 2

T4p xac dinh ctia ham s6 D = R\{—%+k7ﬁ|k e Z}.

A4 s s X sin x
Tim tp xac dinh cia ham 6 y = —————
sin” x—cos” x

Loi gidi
sin x sin x sinx

s A Vd
=— —= =— ham s6 xac dinh < cos2x#0 < 2x=—+krx
sin“ x—cos“x —cos2x cos2x 2

o x# 25 k7 Tap xde dinh cia ham sé D=R\|Z+ e 7l
4 2 4 2
Tim tap xéc dinh cua cac ham s6 sau
_l+tanx

a) y=sinx+cosx b). y=sinvx+4 C) y=—o d).y=tan(x+§j
sin x

T 1+sinx sin x
e) y=cot| —+x .y=+3-2cosx = h) y=—"r——
)y (2 J 0.y gy Jeos x )Y sin® x —cos” x

i) y =cot 3x+£ + ‘Fan2x 1) y=\/5+2cot2x—sinx+cot E+x
6) sinx+1 2

Loi giai
a) Taco ham sO y =sinx ;y =cosx c6 tdp xac dinh l1a R nén ham s6 y =sinx +cosx co tap
xacdinhla R.

b) Bicu kién xac dinh cua ham so 1a
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x+420& x2>-4. Vay D:[—4;+oo).

¢) biéu kién xac dinh cua ham s6 1a

<:>sin2x¢0©2x¢k7z<:>x¢k7ﬂ,kez

sinx #0
cosx =0

Vay tap xac dinh ctia ham s61a D = R\{%’;k € z} _
d) Diéu kién x4c dinh ctia ham s 1a
cos(x+£j¢0<:>x+£¢£+k7r<:>x¢£+k7z;keZ.

4 472 4
Vay tap xdc dinh ciia ham s6 1a D=R\{%+k7z;kez}.
e) biéu kién xac dinh ctia ham sd 1a
sin(x+£j¢0<:>x+£¢kﬁ©x¢—£+k7r ke7.

2 2 2
Vay tép xac dinh ctia ham sd 1a D=R\{—%+k7r;kez}.
f) Piéu kién x4c dinh ctia ham sd 1a

3—2cosx20©2cosx£3<:>cosx£% VxeR, Vay tap x4c dinh cia ham s61a D=R.

g) Diéu kién x4c dinh ctia ham s 1a
cosx>O<:>xe(%+k27r;%+k2ﬂj;kez_

Vay D:(%+k2ﬁ;%+k2ﬁj kel

h) Diéu kién x4c dinh cta ham sb 1a
sinzx—coszx¢0<:>—cos2x¢O<:>2x¢£+kﬂ<:>x¢%+k7ﬂ;kez_

. T krx
Vay tip xac dinh ctia ham so 1a DZR\{ZJrT;kEZ}.

1) Piéu ki¢n xac dinh cia ham s6 1a

V4 - krx
Sin(3x+%j¢0 3x+g¢kﬂ' x¢§+7
cos2x#0 & 2x¢§+k7r & x¢%+k7ﬂ kel
sinx # —1 _r _r
x#+—+k2x x#+—+k2x
2 2
. . - kr —nx T krx
Vay tap xac dinh ciia ham s6 1a D =R\ §+?;7+k27f;2+7;kez .
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j) Ta c6 diéu kién xac dinh ctia ham sé 1a

5+2cot’ x—sinx > 0(1)
sin(%+xj * 0(2)

Ta c¢b5+2cot” x —sinx =(3—sinx)+2(1+cot2 x)=(3—sinx)+

——>0VxeR,
sin” x

(2)<:>x+%¢k7z<:>x¢%+k7r;keZ,

. r
Vay tap xéac dinh cia ham s6 la D = R\{—E+kﬂ;k € Z}.

Cau 10: Tim m dé ham so sau xac dinh trén R.

a) y=~+2m—3cosx b)y= 2

\/sinzx—2sinx+m—1

Loi giai

a) Ham s6 xac dinh trén R khi chi khi:
2m—3cosx >0, VxeR < 3cosx<2m, VxeR @cosxﬁsz VxeR.

<:>2—m21<:>m2§.
3 2

b) Ham sb xé4c dinh trén R khi chi khi:
sinx—2sinx+m—-1>0,VxeR < m >—sin2x+2sinx+1:2—(sinx—1)2,VxeR

< m > max (—sin2x+2sinx+l)=2c>m>2.

(—oo;+oo)

Cau 11: C6 bao nhiéu gi4 tri nguyén ciia tham sd m dé ham s y = \/S—msinx—(m +1)cosx xac dinh
trén R.
Loi gidi
Ham sb xac dinh trén R khi chi khi:
5—msinx—(m+1)cosx>0,VxeR < msinx+(m+1)cosx<5,VxeR.

& n sin x + mtl cosx < > ,VxelR.
mz+(m+l)2 szr(m+l)2 \/m2+(m+1)2
. 5 5 2

< sin(x+a)< NVxeRe —————2>1 < \2m” +2m+1<5.

m2+(m+1)2 N2m? +2m+1

S2m*+2m-24<0< —-4<m<3.MameZ =>me{-4-3;-2;-1;0;1;2;3}.
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DANG 2. XET TINH CHAN LE CUA CAC HAM SO LUQNG GIAC CO BAN

<0 KIEN THU'C CAN THIET.

Pinh nghia: Cho ham s6 y = f(x)xé4c dinh trén D

- Ham s6 f duogc goi 1a ham s6 chan néu véi moi xthude D, ta c6 —x ciling thugc D va

S(=x)=f(x).
- Ham sb f dugc goi la ham s6 1& néu véi moi xthudec D, ta cO —x cling thugc D va
S(=x)==1(x).

Phwong phap giai
Ta thuc hién theo cac budc sau:

Buoc 1: Tim tap xac dinh D cua ham s6, khi do:
] Néu D la tap d6i xtmg (tirc 1 Vx € D = —x € D), ta thuc hién tiép budc 2.

] Néu D khéng phai 1a tap dbi xtmg (tic 1a Ix e D ma —x ¢ D ), ta két luan ham s6 khong chin
cling khong 1¢€.

Buéc 2: Xac dinh f(—x), khi do:

I Néu f(-x)=f(x) két luan ham sb la ham chin.

) Néu f(—x) = —f(x) két luan ham s6 14 ham 1¢.

] Ngoai ra két luan ham sé khong chin ciing khong 1¢.
Chii y: Vi cac ham s lugng giac co ban, ta co:

1. Ham s6 y =sinx 1a ham s6 1é.

2. Ham s y =cosx 1a ham s6 chin

3. Ham sé y =tanx 1a ham s6 lé.

4. Ham s6 y =cotx 1a ham s6 lé.

* Lwu y: Mot s6 cong thirc lién quan dén viéce xir 1i ddu « — »

1. Cong thirc hai cung d6i nhau:

sin(—x) = —sinx; cos(—x) = cosx; tan(—x) = —tan x; cot(—x)=—cotx
> =

3. (—x)n =x" khi n chan va (—x)" =—x" khi n 1&.

<0> BAI TAP.

Cau 12: Xét tinh chan 1é cua cac ham so sau
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

a) y=2xsinx y=2xsinx. b) y =cosx+sin2x.
cos2x 4 .
c) y= . d) y=tan’ 2x.sin5x.
X
Loi giai

a) Tap xé4c dinh: D =R 14 tap déi ximg do d6 Vxe D= -xe D (1).
bit y = f(x)=2xsinx.
NX: Vxe D, f(-x)=2(—x)sin(—x)=2xsinx= f(x) (2).
Tur (1) va (2) ta két luan ham s6 da cho la ham sb chin.

b) Tap xé4c dinh: D =R 1a tap d6i xtmg do d6 Vxe D = —xeD.
biat y = f(x)=cosx+sin2x.

Xét x=£eD:>—x=—£eD.
3 3

f(zj:cos%+sin2—”=l+£; f(—Zchos(—§j+sin(—2Tﬂ):l—ﬁ.

3 3 2 2 3

Ta thay f (gj = f (—%) nén ham sb da cho khong 1a ham s6 chin
\ T T ~ \ X 2~ A L 1a X 12

Va —-f (?j # f(—;} nén ham s6 da cho khong 1a ham so6 1€.

¢) Tap x4c dinh: D =R\{0}1a tap déi xtmg do d6 Vx e D = —x e D.

Pat y:f(x)= coi2x'

Tacod VxeD: f(—x): cos(—2x) :_cos(2x) :—f(x).
—X

Do d6 ham so da cho la ham so 1é.

d) Tap x4c dinh: D:R\{%+k7”|kez}1atap dbi xtmg do 46 Vxe D= —-xe D.
bat y = f(x)=tan’ 2x.sin5x.
Tacd VxeD: f(—x)=tan’ (—2x)sin(—5x)=tan’ (2x)sin(5x)= f(x).

Do d6 ham s6 da cho 1a ham s6 chén.
Chii y: Doi khi nguoi ta con phat biéu bai todn duwdi dang:

V6i cau a) Ching minh d6 thi ham sd y = 2xsinx nhén tryc tung lam truc dbi ximg.

0S2x

oA , . X 1s 1y A Y A A A T3 A I
Vi cau ¢) Ching minh d6 thi ham s6 y = nhén goc toa do lam tam doi xtng.

Cau 13: Xét tinh chan 1é cua cac ham so sau
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

sin*>"" (x) +2020

cos(x)

a) y=tanx+cotx b) y:sin(2x+97ﬂj c) y= , nE

Loi gidi
a) Tap xac dinh: D:R\{%ﬂwez}latap dbi xtmg do 46 Vxe D= —xe D.
Tacé VxeD: f(—x)=tan(—x)+cot(—x)=—tanx—cotx=—(tanx+cotx)— f(x)

Do d6 ham sb da cho 1a ham sb 1é.
b) Tap xé4c dinh: D =R 1a tap d6i xtmg do d6 Vxe D = —xeD.

NX: f(x)= sin(2x+97”] = sin(2x+%j = cos(2x).

Tacd VxeD: f(—x)=cos(-2x)=cos(2x)= f(x).
Do d6 ham s6 di cho 14 ham sb chan.

c¢) Tap xac dinh: D:R\{%+kﬂ|ke2}létép dbi xtmg do 46 Vxe D= —-xe D.

+NX: sin®" (—x) = (—sin )c)zozo'1 =sin®*"" (x), Vne Z\{0}
sin®™" (-x)+2020  sin®™" (x)+2020

Do d6 VxeD: —-X)= .

086 vxeD: f(=x) cos(—x) cos(x /(%)
Suy ra ham s6 1a ham sb chin Vn e Z\{0} .

+V6i n=0 thi sin®" (x)=1.Dod6 VxeD: f(-x)= 2021 _ 2021 = f(x).

cos(—x) - cos(x)
Suy ra ham s6 12 ham sb chin véi n=0.
Vay ham sb d3 cho 14 ham sé chin VneZ.
CAu 14: Xéc dinh tit ca cac gia tri ciia tham s6 m dé ham sb f(x) =3msin4x +cos2x 13 ham chan.
Loi gidi
- Tap xé4c dinh: D =R 1a tap d6i xtmg do d6 Vxe D = —xeD.
- Pé ham s6 da cho 14 ham s6 chén thi f(—x) = f(x), VxeD.
< 3msin (—4x)+cos(—2x) = 3msin 4x+cos 2x, Vx € D
< —3msin(4x)+cos(2x)=3msin4x +cos2x, Vx € D
< 6msin(4x)=0, Vxe D

<= m=0.

DANG 3: TINH TUAN HOAN CUA HAM SO
<0 KIEN THUC CAN THIET.

Swu tdm va bién soan
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC
Pinh nghia: Him s6 y = f (x) c6 tap xac dinh 1a D duogc goi 1a ham s6 tudn hoan, néu ton tai
mot s& 7 # 0 sao cho véi moi x € D ta co:

U x-TeDvax+TeD.
O f(x+T)=f(x).
S6 dwong 7' nho nhét thoa min cac tinh cht trén dugc goi 1a chu ki ham sb tuan hoan do.

Nguoi ta chiing minh dugc rang ham s6 y =sinx tuan hoan voi chu ki 7' =27 ; ham so
y=cosx tuan hoan véi chu ki 7 =27 ; ham s0 y =tanx tuan hoan v6i chu ki 7= 7 ; Ham s

y=cotx tudn hoan véichuki T'=7.

'] Str dung dinh nghia ham s tudn hoan va tim chu ki cta né.
"] Str dung cac két qua sau:

r /4 2 . 2
- Ham s6 y = A.sin(ax+b) (A.a #0) 1a mot ham s6 tuan hoan véichu ki T = ﬁ
a
\ £ VR A A \ I . 2z
- Ham s6 y = A.cos(ax+b) (A.a #0) 1a mot ham s6 tuan hoan véichu ki T = W
a

- Ham s6 y = A.tan(ax+b) (A.a # 0) 1a mot ham soO tudn hoan véi chu ki T = ﬂ
a

~Him s6 y = A.cot(ax +b) (A.a = 0) 1 mot ham sb tudn hoan véi chu ki T = ﬁ
a

-Néuham s6 y = f(x) chi chira cac ham s6 luong gidc ¢6 chu ki lan luot 1a T, T,,..., T, thi
ham s f cochuki T 1a bdi chung nho nhét cta T,T,,.,T, .

-Néuhamsb y = f(x) tudn hoan véi chu ki T thi ham s6 y = f(x) +¢(c 1a hang sd) ciing 1a
ham sé tuan hoan véi chu ki T.

Mt s6 diu hiéu nhin biét ham sé y = f (x) khong phdi la ham tudn hoan

Ham s y = f(x) khong phai la ham tuan hoan khi mot trong céc diéu kién sau bi vi pham:

+ Tap xac dinh cua ham s6 1a tap hitu han.
+ Ton tai s0 a sao cho ham s6 khong xac dinh vé1 x > a hodc x<a.

+Phuong trinh f(x)=k c6 nghiém nhung s6 nghiém hitu han.
+Phuong trinh f(x)=k c6 v s6 nghiém sép thi tu:

<X, <X, <.

n+l

ma |xn - X

n+l

— 0 hay .

<0> BAI TAP.

CAu 15: Xét tinh tuan hoan va tim chu ki (néu ¢6) ctia ham so sau: y =cos” x—1.

Loi giai
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 16:

Cau 17:

Cau 18:

1+c0s2x_ 1

Ta bién d6i: y =cos’x—1= 5 1=—cos2x—%.

, v 1A A A \ r: \ 2
Do d6é f 1a ham so tuan hoan véoichuki T= B .
r s A \ N 3 A r , \ A . 2 2
Xét tinh tuan hoan va tim chu ki (néu cd) cua ham so6 sau: y =sin gx .cos gx .

Loi giai

Ta bién d6i: y =sin 2x .COS gx =lsin ix .
5 5 2 5

Do d6 f 1a ham sd tudn hoan véi chu ki T = 27 5% .

o

Xét tinh tudn hoan va tim chu ki (néu c6) ctia ham sé sau: y = cos x + cos<\/§ .x)
Loi gidi
Gia sir ham sb da cho tudn hoan= ¢6 s6 thuc duong T thoa :

f(x+T):f(x)<:>cos(x+T)+c05x/§(x+T):cosx+cos\/§x

m A 17
=+3=—voli, do

cosT=1 T=2nrx
x=0:>cosT+cos\/§T=2<:> =
\/gT:2m7r n

coS \/§T =1

M oy X 1a 0 x7a \ A o~ A A \
m,n € 7Z,—= — 1a s0 hiru ti. Vay ham so da cho khong tuan hoan.
n

Chimng minh rang ham s6 sau la ham s6 tuan hoan va tim chu ki cia né: y =

sin x
Loi gidi

Téap x4c dinh: D=R\{kz,k € Z}.

Ta xét dang thie f(x+T)= f(x) < sin(i+T) = sirllx < sin(x+T)=sinx.

Chon x=% thi sinx =1 va do do sin(%+Tj:1©%+T:%+k2ﬁ,keZ.

S6 duong nho nhat trong cac s6 T 1a 27 .

RO rang Vx e D,x+k27 eD,x+k2zr eD va f(x+k27)= sin(x-1|-k27r) = Sirllx = f(x)

Vay f la ham s6 tan hoan véi chu ki T=27.
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 19:

Cau 20:

Cau 21:

Cho a,b,c,d 1a cic sb thuc khac 0. Ching minh ring ham s6 f(x) = asincx+bcosdx 1a ham
sb tudn hoan khi va chi khi g 1a s6 hitu ti.

Loi giai
* Gia st f(x) 12 ham s tudn hoan = 37 >0: f(x+7) = f(x) Vx

asincT +bcosdT =b cosdT =1
Cho x=0,x=-T=

) =
—asincT +bcosdT =b

sincT =0

dT =2nr ¢ m
= =>—=—ecQ.

cT'=mr d 2n
*Gidst SeQoaklez: S=K par-2Fk 27

d d 1 c d
Taco: f(x+T)= f(x) VxeR = f(x) la ham s6 tudn hoan véi chu ki T = 22~ =257”.
C

Cho ham sb y = f(x) va y=g(x) 1a hai ham s tuan hoan v&i chu ky 1an lugt 1a 7,,T,. Ching

. M A T N AL~ ” v s \ A Y ~ Y A A Y
minh rang néu —- 1a s0 hiru ti thi cac ham s0 f'(x) £ g(x); f(x).g(x) 1a nhitng ham so tuan hoan.
2
Loi giai

N A S G A
Vi —L 1a s0 hiru ti nén ton tai hai s6 nguyén m,n;n # 0 sao cho
2

:ﬂ:nTl:mTz:T
n

I

Khido f(x+T)=f(x+nT)=f(x) va g(x+T)=g(x+mT,)=g(x)

f(X+T):f(x)_
gx+T) g(x)

Suyra f(x+T)xg(x+T)=f(x)tg(x) va f(x+T).g(x+T)= f(x).g(x),

Tir d6 ta c6 diéu phai ching minh.
Tim chu ki (néu c6) ctia cac ham sb sau:
a) y=1-sin5x. b) y=cos’x—1.

. (2 2
b)c) y= sm(gx).cos(ng .d) y= cosx+cos(\/§.x)
Loi gidi

Tacé ham sO y=ksin(ax+b)+c; y=kcos(ax+b)+c la ham so tuan hoan va c6 chu ky

r=2%
]

\ A . A \ g \ 2r
a. Ham s0 y =1-sin5x tuan hoan va c6 chu ky 7; =?.
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

cos2x—1

b. Him s0 y =cos’x—1= tuan hoan va c6 chuky 7, = 7.

c. Ham s6 y =sin (%xj.cos (%xj = %sin (?x} tuan hoan va c6 chu ky 7, = 57” .

d. Him s6 y =cosx + cos(ﬁ.x) khong tuan hoan

. . 2
Vitacé ham s6 y =cosx co chuky 7, =27 va ham so6 y:cos(x/g.x) co chuky 7, =z

3

A A c1As A ) A o \ 2r
nhung khong ton tai bdi so6 chung nhé nhatcua 7, =2zva 7, =—

3

Céu 22: Tim chu ky ctia ham sb: f(x)=sin3x+3cos2x.

Loi giai

r \ A . J ) 2 \ \ A r )
Ta c6 ham s6 y =sin3x co chuky 7] =Tﬂvaham sO y=cos2x cochuky 7, =x

= chu ky 7 ctia ham sd y =sin3x +3cos2x 14 bdi chung nho nhat cta T = 2Tﬁva‘l I,=x

=T=2r.

DANG 4: GIA TRI LON NHAT, GIA TRI NHO NHAT CUA HAM SO LUQNG GIAC

<0 KIEN THU'C CAN THIET.

PHUONG PHAP GIAI TOAN
1){—1Ssinx£1 2){0£|sinx|£1 3){0£sin2x£1 5 {OS\/sinxSI

—1<cosx<I1 0£|cosx|£l 0<cos’x<l1 0<+/cosx <1

<¢> BAI TAP.

Cau 23: Tim GTLN - GTNN cuia cac ham sb sau:

a.y=2+3cosx. b.y:3sin(x—%j—2_

c.y=+4cos’ 2x+1 . d.y=3-2lsinx].

e.y=2(sin4x+cos4 x)+3 ) f.y=3sin2x-12 vai xe[—%;%]

g.y = 4cos> (%—%)—7 voi xe[0;7].
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Loi giai
a. Tap xac dinh: D=R.
Tacd: —1<cosx<1 < -3<3cosx<3 < —-1<2+3cosx<5=-1<y<5.
Vay gia tri 16n nhit ciaham s6 13 5 & cosx=1 < x=k27,keZ.
Gia tri nho nhat ciaham sd 1a -1 < cosx=-1 < x=r+k2r,keZ.

b. Tap xac dinh: D=R.

Ta co: —ISSin(x—%)Sl<:>—3£35in[x—%j£3 <:>—5£3sin(x—%j—2£l:>—5£y£1.
A g1 L S . Vi 27
Vay gia tri 16n nhat cia ham so6 1a 1 ©51n(x—gj:1©x:7+k27r,k el.

Gia tri nho nhét cua ham sé 1a -5 < sin(x—%j =-lsx= —%+k27r,k el.

c. Tap xac dinh: D=R.

Tacd: 0<cos’2x<1 < 1<4cos’2x+1<5=1<y<A/5.

Vay gia tri 16n nhit cia ham sb 1a J5 < cos’ 2x=1<:>sin2x=0<:>x=k7ﬂ,keZ.

Gia tri nho nhét cua ham sb 1a 1 < cos’ 2x:0<:>c0s2x:O<:>x:%+k7ﬂ,keZ.
d. Tap xac dinh: D=R.

Ta co: OS|sinx|S1<:>02—2|sinx|2—2<:>32y21.

Vay gia tri 16n nhat ciia ham s 13 3 <:>|sinx|=0<:>sinx=0<:>x=k7r,keZ.
Gia tri nho nhét cua ham sb 1a 1<:>|sinx|:1©cosx:0<:>x:%+k7r,keZ.

e. Tap xac dinh: D=R.
y:2(sin4x+cos4x)+3:2(1—2sin2x.coszx)+3:5—sin2 2x

Tacé: 0<sin’2x<1 < 4<5-sin’2x<5 <4< y<5,

Vay gi4 tri 16n nhat cia ham sé 1a 5 @sinzx:o@x:%”,kez.

.7 . 5 A 5 \ A 1x . k
Gié tri nhé nhat ctia ham so 1a 4 < sin® 2x:1<:>cos2x:0<:>x:%+7ﬁ,kez.

f. Voi x e _1;3_7r =2x€e —£;3—ﬁ :>—££sin2x£1
8 8 4 4 2
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32

& -———-12<y<-9.
> y

Vay gia tri 16n nhat cia ham sd véi x e [-%%’”} la 9 <sin2x=1<x= %.
Gi4 tri nho nhét cua ham sd voi x e [—%,%{} la —%—12 & sin2x = —g S x= —%.

g. Tacod y=4cos’ [ﬁ—iJ—7 =2005(x—£]—5
2 12 6

6 6 6 2 6

o -B-5<y<-3.
Vay gié tri 16n nhat cua ham s v6i x €[0;7] 1a -3 @cos(x—%)zl@ x:%.

Gid tri nho nhat cua ham so v6i x €[0;7] 1a —J3-5 @COS(X—%)=—§C>)C=7Z.

Page 18
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC
Vi du: Tim GTLN — GTNN ciia cic ham s6 sau:
a.y=-2sin’ x+3sinx—1
b. y = cos” x + 2sinx+2
c.y=cosx+2cos2x

d.yz(l—cost)2—2cos2x+1

e. y =2sin’ x —sin x + 2 trén doan [0;71’]
f.y=2cosx+cos2x—8trén doan[—%;%} .

g.y = tan’ x —tan x + 1 trén doan[—%;%} .

h.y=sinx+cosx+4sinxcosx+7 .

. 1 1
. 1 . 5 \ A <2 . ,o
i. Tim min ctia ham s6: y =sin” x +————sinx —— voi O0<x<rm.
sin” x sin x
Loi giai

a.bat sinx =7 (|f|<1), ham s6 ¢ dang: y=-21*+3r-1.

Xétham s y=-2¢"+3¢—1 trén [-1;1], ham s6 c6 BBT nhu sau:

|
8
|
_
e A TS )
—
+
&

A\

-6
Nhin vao BBT ta thdy:

Gia tri nho nhat cia ham sd bang —6 khi va chi khi t=-1 tic la sinx=-1
o= —%+k27r(k eZ).

Gié trj 16n nhat ciia ham s6 bang % khi va chi khi ¢ = % tuc 1a sinx = % & x =arcsin (%) +k2rx
hodc x = 7 —arcsin (%) +k2n(keZ).

b.Ham sb duoc viét lai thanh y =1—sin® x + 2sin x + 2 = —sin® x + 2 sinx+3

bat ¢ =sinx (|t| < 1) , xét ham sb y=—t"+2t+3 trén [—1;1] c6 BBT nhu sau:
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+
¢

L IS -1

0

Nhin vao BBT ta thdy:

(] Gia tri nho nhat cia ham s6 bang 0 khi va chi khi r=-1 tac sinx=-1
@xz—%+k2ﬂ(keZ).

(] Gia tri 16n nhat cua ham sd bang 4 khi va chi khi r=1 toc 1a sinx=1<
<:>x=%+k27r(keZ).

c.Tacd y=cosx+2.(2cos’ x—1)=4cos’ x+cosx—2

Dt cosx =1 ([f|<1), ham s6 ¢6 dang: y=4¢+1-2.

Xétham s y =4+ +¢-2 trén [-1;1] 6 BBT nhu sau:

|
—
ol —
—
+

&

33

16

) Gia tri nho nhit ctia ham sd bang —% khi va chi khi t=—% tuc cosx=—é<:>

x= iarccos(—éj +k2z (keZ).

[ Gié tri 16n nhét ctia ham s6 bang 3 khi va chi khi 7=1 tac1a cosx=1< x=k2x (keZ).
d.Ham sb duoc viét lai thanh

y:(l—cos2 x)2 —2cos2x+1:(1—20052x+cos4 x)—20052x+1 =cos*x—4cos’ x+2

Dit t =cos’x,t €[0;1], xétham s6 y =#>—4¢+2 trén [0;1] c6 BBT nhu sau:
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t 0

|
3
+
8

2

Nhin vao BBT ta thdy:

] Gia trj nho nhit cia ham sb bang —1 khi va chi khi r=1 tic cos’x =1« sinx =0
<:>k7r(keZ).

"] Gié tri 16n nhat ciia ham sb bang 2 khi va chi khi £=0 tic 1a cos’x =0 < cosx =0 <

x=£+k7r, kel
2
e.Dit sinx =¢v6i x €[0; 7] thi £ €[0;1], ham s6 ¢6 dang: y=2¢"—1+2.

Xétham s y=2¢—¢+2 trén [0;1], ham sb c6 BBT nhu sau:

1
L S 0 1

1+
g

| &

Nhin vao BBT ta thdy:
.7 . 5 A 5 \ A M 15 . \ 9 . 1 ’ \ . 1
Gia tri nhé nhat cua ham s6 bang ry khi va chi khi ¢ = 2 tc 1a sinx = 7
& x = arcsin (%) + k27 hoac x =z —arcsin (%] +k2rn, kel.
Gia tri 16n nhat cia ham s bang 3 khi va chi khi 7 =1 tc 1a sinx =1 < x = %+ K2z, keZ.
f.Ham s6 duoc viét lai thanh y =2cosx+2cos’ x—1—8=2cos” x+2cosx—9
Vg

bit cosx =1, voi xe[—%;z} thi #€[0;1], ham s6 c6 dang: y =2¢ +2¢-9.

Xétham s y =2+ +2¢—9 trén [0;1] c6 BBT nhu sau:
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i 0 1 oo

—

5

Z

—9

cr s A, \ IR IR , T
) Gia tri nhé nhat ciia ham so bang —9 khi va chi khi 1 =0 tic cosx =0 < x=5+kﬂ, keZ

() Gia tri 16n nht ciia ham s bang —5 khi va chi khi =1 tirc1a cosx =1 < x=k27, keZ.

g.Dat tanx =1, t €[-1;1], ham s0 c6 dang: y=1"—t+1.

Xétham s6 y=¢>—¢+1 trén [—1;1] c6 BBT nhu sau:

t 5 1 +00

- 1
3
1
y % S,
i _

') Gia tri nho nhét ctia ham s bang % khi va chi khi ¢ = % tuc tanx = % & x =arctan (%) +kr

,kel.

cro 1 Ay \ I c N 2 . R T
) Gia tri 16n nhat cia ham so bang 3 khi va chi khi #=-1 tic la tanx =-1 < x=—z+k7r,
kelZ.

. ) ) T ) N U
h. Bat 1 =sinx+cosx =+/2 sm(erZj(M < \/5) — 2sinx cosx = t*—1, ham so trd thanh:

y=t+2(* =) +7=2>+t+5.

Xétham s6 y =2£% +¢+5 trén [—\/5,\/5} c6 BBT nhu sau:

1

V2 +oa

00 4
9+v2
9-v2
Yy
39
8

.

.7 . 5 A 5 \ A 1S 39
] Gia tri nho nhat cia ham s6 bang <

'] Gia tri 16n nhat cua ham sé bang 9+ V2.
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. s . 1 . . . o
i.bat ¢ =sinx+——, véi 0 <x <7 thit>2 = sin’ x+——=t*—2, ham s0 tr¢ thanh:

SInx Sin- x

y=t"—t-2.

Xétham s y=¢>—¢—2 trén [2;+oo) c6 BBT nhu sau:

) /
(0]

A s ) Ao oo \ IR . 1 . T
Vay gid tri nhé nhat ciia ham s6 bang 0 < sinx+ ——=2 < sinx =1 x = By + k27
sinx
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 3: HAM SO LUQNG GIAC VA PO THI
@ HE THONG BAI TAP TRAC NGHIEM

DANG 1. TAP XAC PINH

Cau 1: Téap x4c dinh cia ham s0 y =sinxla

A. [-1:1]. B. (-L1). C. (0;+). D. R.
Cau2: Tap xac dinh cia ham s6 y=——1a
sin x
A. D:R\{O}. B. DZR\{kZﬂ',kGZ}.
C. D:R\{kﬂ,keZ}. D. D:R\{O;ﬂ}.
Cau 3: Tap xac dinh ctia ham séy:tanzx la
A D=R\{Z+kZ kez!. B.D=R\Z+rZ kez!.
4 2 4 2
Vs Vs
C. D:R\{E+k27r |keZ}. D. D:R\{3+k7z |keZ}.
A Ao e s z l+sinx |,
Cau4: Tap xacdinh ciahamso y= la
Cos X
A. D=R\{kr,keZ}. B. D:R\{%+kﬂ,keZ}.
C. D=R\{k2r,keZ}. D. D:R\{%+k2ﬂ,keZ}.
CAu5:  Diéu kién xé4c dinh cta ham sd y=M la
sin x
V4 kr
A.x¢3+kﬂ,keZ. B. x#zkr,keZ. C. x#2kr,keZ. D.x;t?,keZ.
Cau 6: Tap xac dinh ctia ham s6 y=tanx la
A. D=R\{k27,keZ}. B. D=R\{%+k27r,keZ}.
C. D:R\{%Hm,keZ}. D. D=R\{k7,k e Z}.
. e xP+1
Cau 7: Tap x4c dinh cia ham s6 y = la
Ccos X
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

A. D=R.

C. D:R\{kﬁ,keZ}.

Tap xac dinh D cia ham sb y =

A. D=(3;+).
Tap xac dinh cta ham s6 y=
A. D:R\{xikﬂ;keZ}.

C. D:R\{m%wn;kez}.

Tap xéc dinh ctia ham sé y = tan [2x —%

7 krx

A. D:R\{x¢—+—;keZ}.
6 2

C. DzR\{x;ﬁ%Hm;keZ}.

Tap xé&c dinh ctia ham s6 y =cotx 1a

A. R\{kz|k eZ}.

keZ}.

Tap xac dinh ciia ham s6 y =

C. R\{£+k7r
2

sin x

A. D=R\{kﬁ|keZ}.

C. D=R\{k2z |k Z}.

Tap xac dinh ctia ham ) y=2+3tanxla

A. D:R\me}. B. D:R\{%Jﬂm}. C.

Tap xac dinh ciia ham s6 y =

B. D=R\{3}.

l—sinx

l1—cosx

2sinx—1

B.

D.

.D :(—00;3).

.R\{1+k2n
2

D=R\{%+k7f,keZ}.

DzR\{kTE,keZ}.

. D:R\{xikZﬂ';keZ}.

. D=R\{x¢—§+k2ﬂ';keZ}.

. DZR\{X¢%+kﬂ;k€Z}.

. D:R\{xi——l——;keZ )
12

keZ}.

. R\{k27|keZ}.

.D=R\{%+kﬂ|keZ}.

.D:R\{%+k2ﬂ|keZ}.

D:R\{%—l—kw}. D. D:R\me}.

Swu tdm va bién soan
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

A. D:R\{i%+k2ﬂ,keZ}.
C. D:R\{%wzm%”wzn,kez}.

1-sinx

Tim tap x4c dinh D cuahamsd y = .
1+cosx

A. D:R\{—%+k2ﬁ;%+k2ﬁ,keZ}.

C. D=R\{zm+k2z,keZ}.

Tap xéc dinh cua ham sb y= ; la
sin2x+1

A. D:R\{—%+kﬂ,keZ}.

C. D:R\{—%+kﬂ,keZ}.

sin x

Tap xac dinh cta ham ) y=———1a
2—-2cosx
A.D=R .
C. D=]R\{7z+k%|keZ :
Tap xéc dinh ctia ham s6 y = 2021 la
1—cosx
kr
A. D=R\s—,keZ;.
2
T
C. DzR\{E+k7r,keZ}.
. 2si 1
Tap xac dinh cta ham so y:ﬂ la
1—cosx
A. D=R\{x¢k27z;keZ}.
V4
C. D:R\{xiz—i—kﬂ;keZ}
A e . g 1 .
Tap xac dinh cla ham s6 y=—— 12
sin X —CosS X
A. DzR\{xikﬂ;keZ}.
V4
C. D:R\{xizﬁ-kﬁ;keZ}.
2020

Tap xac dinh ctia ham s6 y =

a
tan(x +20197)

B.

D.

D:R\{i%+k2ﬂ,keZ}.

D:R\{%+k2ﬂ;2§+k2ﬂ,k62}.

. DzR\{—kﬂ,keZ}.

) D:R\{%+k27r,keZ}.

i D:R\{—%+k2ﬁ,keZ}.

) D:R\{—%+k2ﬁ,keZ}.

: D:R\{k%|kez} .

. D=R\{k2r|keZ}.

. Dz]R\{kZﬂ,keZ}.

. D=R\{kr,k e Z}.

. D=R\{x¢7z+k27z;keZ}.

. D:R\{x¢%+k2ﬂ;keZ}.

. D:R\{xikZﬂ;keZ}

. D:R\{XI%—FIC?T;ICEZ}.
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

A. D:R\{k%,kez}.
T
C. D:R\{E+kn,keZ}.

\ A p . , N £ sinx
Tim tap xé&c dinh cua ham s6 y =

keZ}.

1-2cosx

A. R\{i§+k2ﬂ

C. R.

3+sinx .
la

Tap xéc dinh cua ham sb y=
cosx—1
A. DZR\{kﬂ',kEZ}.

C. D=R\{%+k2ﬂ,keZ}.

Tap xéc dinh cua ham sb y=
T

A. D:R\{Eﬂm,kez .

C. DzR\{k%,keZ}.

tan x
la

Tap xac dinh cia ham s6 y =
cosx+1

A. R\{r+k2m,keZ}.

C. R\{%+k7z;n+k27z,k EZ}.

B.

D.

Tim tap x4c dinh D cta ham s6 y = tan(x —%] .

A. D:{xeR|x¢%+kﬂ,keZ}.

C. D:{xeR|x¢3§+kﬁ,keZ}.

B.

D.

DzR\{kﬂ,keZ}.

DIR\{kZﬂ',kEZ}.

fy

.R\{%+k2ﬂ

keZ}.

.D:R\{%+kn,keZ}.

. DZR\{kZﬂ,kEZ}.

. DzR\{kﬁ,keZ}.

. D:R\{kZﬂ,keZ}.

.R\{%+k7z;k27r,keZ}.

. R\{%,keZ}.

D

{xeR|x¢%+kﬂ,keZ}.

D:{xeR|x¢3Tﬂ+k7r,keZ}.

Tim tap xéac dinh ciia ham s§ y =2021cot 2x +2022.

A. D:R\{%Hm}. B. D:R\{k%}.

Tap xéc dinh cua ham s6 y=cotxla
A. D=R\ {kﬂ'} .

C.

B.

D:R\{ﬁ+k1}.D.D=R.
4"

D=R\{kz,keZ}.
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

C. D:R\{%Hm,kez}.
Tap xéc dinh cua ham s6: y:tan(2x+%)?
A. ]R\{2 +kr, keZ}
T
C. R\{E+kﬁ,keZ}.

Tap xac dinh ctia ham s6 y = la:

sin x
A. DzR\{kﬂ,keZ}.
C. D=R\{0;7}.

biéu kién x4c dinh cuia ham s6 y =tan2x1a

Aoxz-Zikr. B. x=Zvkr.
4 2
N . s A 2cosx—1 .
Tap xac dinh ciia ham s6 y =———a:

sin2x

A. D= R\{%T keZ}

C.D :R\{§+k2ﬂ,k ez}.
Tim tap xé&c dinh cua ham ) y=tanx.

A. ]R\{2 +k7r|keZ}

C. R\{2+k2ﬂ'|k6Z}

. ; 1
Tap xéc dinh ctaham s60 y=———=1a

v1—cosx
A. DzR\{kZﬂ,keZ}.

C. D= R\{2+k27z keZ}

tan x
la

Tap xac dinh cta ham s6 y=
1—tanx

A. D= R\{2 +k2rm; Z+k2” keZ}

C. D=R\{%+kﬂ;%+k7z,keZ}.

Tap xac dinh ciia ham s6 y =tanx+cotx la

.D=R.

. D=R\{k2r,keZ}.
D. D=R\{0}.

D. x¢£+k7[
4

.D:R\{+”+k2ﬂ kr keZ}
3 2

=R\{kz,keZ}.

R\{kz|keZ}.

. R\{k2z|keZ}.

. D=]R\{7r+k27r,keZ}.

.D:R\{—%+k27r,keZ}.

. D:R\{—%+k2ﬂ;—%+k2ﬂ,keZ}.

. D:R\{%+k7z;%+k2ﬁ,keZ}.

A.R\{%+kﬁ;keZ}.B.R\{k%;ke%}. C.R\{km;keZ}. D.R.
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Tap xac dinh ctia ham ) y=cot§ la
A. D:R\{kﬂ,keZ}. B. D=R\{7r+k27z,keZ}.
krx
C. D=R\ T,keZ .D. D:R\{k27r,keZ}.
A e s s £ 2cosx—1
Tim tap x4c dinh D ctia ham s6 y=————3tanx.
sin x
A.D:R\{kn;g+kn,ke2}. B. D=R\{km,k e Z}.
C. D:R\{g+kn,keZ}. D. D:R\{kn;g+k2n,keZ}.
Tap xéc dinh cua ham sb y:ﬂ.
tan x
A.D=R\{%+k7[,keZ}. B. D=R\{kr,keZ}.
kr
C.D:R\{T,keZ}.D.D=]R\{k27r,keZ}.
Tim tap xac dinh cua ham s6 y:tan(3x—%j.
T kr T kr
A. D=R\s—+—keZ;. B. D=R\\—+—keZ;.
3 3 9 3
C. D=R\{4—”+k—ﬂ,keZ}. D. D=R\{2—ﬂ+k—”,keZ}.
9 3 9 3
Ham s y = =5810% 4¢ dinh khi
cos2x

A.x¢%+k%,kez. B.x¢§+k7r,keZ. C.x;t%Jrkﬂ,keZ. D. x#k2r,keZ.

. 1
Tap xac dinh ciia ham s6 y = —= la:
P ’ Y Vsin2x +1
A. D:R\{—%+k27r|kez}. B. D:R\{—%+k27r|kez}.
C. D=R\{—%+kﬁ|keZ}. D. D=R.
Tap xac dinh ctia ham s6 yzw
sin” x+1
r 7
A. R\{3+k27z,keZ}. B. R\{EJrk/z,keZ}.
C. R. D. ]R\{k;z‘,keZ}.
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Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

. . 1
Tim tap x&c dinh D ctia ham s6 y =

Jl—sinx'

A.D=R\{kz,keZ}. B. D:R\{§+k7r,keZ}.

C. D=R\{%+k2n,keZ}.

D.

D=0.

A g a s A : T
Tim tap x4c dinh D ctuia ham so y=\/5+2cot2x—smx+cot(—+x).

A. D:R\{kjﬁ,keZ}.

C.D=R.

Tim tap xac dinh D cta ham s6 y =tan (% cos x].

A. D:R\{%+k7z,keZ}.

C.D=R.

la

Tap xéc dinh cia ham s6 y =
tan x

A. D:{kﬁ,kez}.
2
C. DIR\{kﬂ',kEZ}.

\ A , . , \ J4 3sinx
Tim tép xé&c dinh cia ham s6 y=———.
2cosx+1

A. D:R\{—%+k27z,4?ﬂ+k27z|k ez}.

C. D=R\{i%”+k2;z|kez}.

Ham s y= sm.xz c6 tap xac dinh 1a
1-2sin” x
T
A. D=]R\{Z+kﬂ'keZ}.
Tk
C.D=R\i—+—keZs;.
4 2
Ham s y=—————/—¢0 tip xac dinh la
sin 2xcos 2x

A.D:R\{£+k—”|kez}.
4 2

C. D=R\{k7z|keZ}.

B.

D.

B.

D.

.D=R\{%+k7r

. D:R\{iz+k27r

D:R\{—%+k7r,keZ}.

D=R\{kx,k eZ}.

D:R\{§+k27[,keZ}.

D=R\{kz,keZ}.

i D:R\{k%,kez}.

. DI{kﬂ',kGZ}.

: D:R\{i%’rwzﬂkez}.

.D=R\{i%+k2ﬂ|keZ}.

keZ}.
keZ}.

T
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Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Ham s y= c6 tap xac dinh 1a

sin 2x
cotx—\/g

A.D:R\{%+kﬁ|kez}.

C. D:R\{kﬂ;%+k7r|keZ}.

Tap xéc dinh cua ham sb y= M la
cosx—1
A. R\{%+k7z}. B. R\{k27}.

1

Tim tap xac dinh ctia ham sd y=—-".
sin2x—1

A. D=R\{%+k7z,kez}.
C. D=R\{k2ﬂ,keZ}.

an x

Hamsb y =
1+tanx

A. chi x:§+k75 (keZ).
C. chi x:—%+k7r (keZ).

2020
tanx —1

Tap xéc dinh cua ham sb y=
A. R\{%+kﬂ,keZ}.

C. R\{%+k27r,keZ}.

B. D=R\{k7z|keZ}.

D. D:R\{£+kﬂ;£+kﬁ|keZ}.
2 6

C. R\{kx}.

D. R\{%+k27[}.

B. D=R\{%+kﬁ,keZ}.

D. DzR\{kﬂ,keZ}.

khong xac dinh tai cac diém

B. chi x:%+k7r (keZ).

D. x:—%+k7rvé x:%+kﬂ (keZ).

B. R\{§+kﬁ,keZ}.

D. R\{£+k7z;1+k7z,kez}.
2 4

A s s X V4
Tim tap xé&c dinh cua ham s6 y =cot2x+tan [3 — xJ.

A. DzR\{kﬂ';k EZ} )

C. DzR\{k?ﬂ;keZ} .

Tim tap x4c dinh D ctia ham s6 y =—
sin x

A. D=R\{kz, keZ}.

C. D=R\{%+kﬂ,keZ}.

tanx —1

B. D:R\{%+kﬁ;keZ} i

D. DzR\{kg;keZ} .

T
+Cos| x+—|.
( 3J

B. D:R\{kjﬂ,keZ},

D. D=R.
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Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Caiu 63:

Cau 64:

Cau 65:

Tap xéc dinh cua ham sb y= ﬂlé
2sinx —4

A. R\{arcsin2+ k27,7 —arcsin2+k2x,k € Z} B. R.

C. R\{iarcsin2+k27z,keZ}. D. R\{kﬂ',kEZ}.
Tap xédc dinh cila ham sé y = 2020 13
tan x —1
ARV E v knt B. R\ Z izl
4 2
c. R\ ZE 1 koxl, D. R\ ZE vk Zrkn!,
4 2 4

Tim tap xé&c dinh cua ham ) y=+/l-cosx +cotx?

AR\kmkeZ). B (-], . R\{g+kn;kez}.n. —L1]\ {0}
Tap xéac dinh D ctia ham s y:M.
tan x —1
A. DzR\{%Jrk;z,keZ}. B. D=R\{1}.
C. D:R\{%Hm,keZ}. D. D:R\{%Hm;%ﬂm,keZ}.
T\ t,\ , d h D 5 h\ A y 1
1m tap xac din cua nam SO =
P ’ J1+sinx
A. D=R\{k2z,keL}. B. D=R\{z+k2n,keZ}.
/4 /i
C. D:R\{E-l-kZ/r,keZ}, D. D:R\{7+k27r,keZ}.

— + 1 khong xéc dinh trong khoang nao trong céc khoang sau

Smx COSX

Ham s0 y = tan x +cot x +

day?
T , 3z .
A. (k27r;5+k27rjvc’n keZ. B. (7Z'+k272';7+k27[j véi kelZ.
C. (%+k27r;7r+k27zjvéi kel. D. (77+k277;27r+k27r)véi kel.
Tap xéac dinh ciia ham s& y = tan 3x 1a.
A D=R\IZ 41k Z keRr B.D=R\{Z+krkeR
6 3 2
2r
C. D:R\{ﬂ+k7z,keR} D. D:R\{kT,keR}

Tim m dé ham s y:\/Ssin4x—6cos4x+2m—1xéc dinh véi moi x
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J61+1 J61-1 J61+1
m>2 D

A.m2 . B. m>1. C. .m< .
2 2 2
Céu 66: C6 bao nhiéu s nguyén m sao cho ham sd y =~/msin x +3 c6 tap xac dinh 1a R ?
A. 7. B. 6. C.3. D. 4.
3+sin2x

Ciu 67: Hamsb y = %cé tap xac dinh 1a R khi
mcosx +

A.m>0. B. 0<m«<lI. C.-1<mx<1. D. m#-1.
Cau 68: Cho ham s6 y =+/sin* x +cos* x—msin x.cosx . Tim 7 d& ham s6 xé4c dinh v&i moi .
11
A. me{—a;z] B. me(-L1). C. me(-m;1]. D. me[-L1].

DANG 2. TINH CHAN LE
Cau 69: Trong cac ham s6 sau, ham s6 nao 1a ham sb chan?

A. y=sinx. B. y=cosx. C. y=tanx. D. y=cotx.
Céu 70: Trong cac ham sd sau, ham sé ndo 13 ham sé chin?
.2
A. y=—sinx. B. y=cosx—sinx. C. y=C0sx+8m X. D. y=cosxsinux.
Céu 71: Trong cac ham s sau, ham sé ndo 13 ham sé chin?
A. y=sin2x. B. y=xcosx. C. y=cosx.cotx. D. y= te.mx‘
sSin x
Céu 72: Ham sb nao sau ddy 1a ham s 1&?
. COS X
A. y=2x+cosx. B. y =cos3x. C. y=x’sin(x+3). D. y=—
X
Céu 73: Ménh d& nao dudi ddy dung?
A. Ham s6 y = cotx 1a ham sb chin. B. Ham s6 y =sinx 1a ham s6 chan.
C.Ham s y =tanx 1a ham s6 chan. D. Ham s6 y = cosx 1a ham s chan.
Céu 74: Trong cac khang dinh sau day, khing dinh nao ding?
A.Ham s6 y =sinx 1a ham s6 chan. B. Ham s6 y =cosx 1a ham sb 1¢.
C.Ham s6 y =tanx 1a ham s6 lé. D. Ham s6 y = cotx 1a ham s6 chin.
Céu 75: Chon phat biéu ding:
A. Cécham s6 y =sinx, y=cosx, i =cotx déu la ham so chin.
B. Cac ham s y=sinx, y=cosx, ¥ =cotx déu 1a ham sb 1é.
C. Cac ham s§ y=sinx, y=cotx, y=tanx déu la him s chin.
D. Cac ham sd y =sinx, y=cotx, y=tanx déula ham so 1é.
Céu 76: Ham s6 ndo sau ddy 12 ham s6 chin ?
A. f(x)=sinx. B. f(x)=sin2x. C. f(x)=l|sinx|. D. f(x)=xsinx’.
Céu 77: Ham sb nao duéi day 13 ham s 1&?
A. y=cosx. B. y =sin’x. C. y=cot’ x. D. y=tanx.
Ciu 78: Trong cac ham s6 sau, ham s nao 1a ham sé chin?
A. y =sin3x. B. y= tan%. C. y =sInx.cosx. D. y =sin® x.cos x.

Cau 79: Trong cac ham so sau day, ham so nao 1a ham s6 chan?
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Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

A. y=tandx. B. y=cos3x. C. y=cot5x. D. y=sin2x.
Ham sb nao sau day la ham s chin

A. y=3sin’ x+4sinx. B. y=3sinx+4cosx.

C. y=4cos’ x—sinx. D. y=4sin’ x—cosx.

Trong cac ham so6 sau, ham s6 nao la ham s6 chan?

A. y=cosx.sin’ x. B. y =sinx.cos2x.
C. y =2019c0s x +2020. D. y=—20%
tan” x +1

Trong cac ham so sau, ham so nao la ham so 1¢?

_ 2cos’ x

A. y=[sinx|+3. B. y C. y=xsinx’. D. y=2cosx—sin2x.

sinx+2

Trong cac ham sd sau, ham sb nao 1a ham s6 chan.
A. y =sin|2021x|+cos 2022x . B. y =cot2021x—2022sinx.
C. y=tan2021x+cot2022x. D. y=2021cosx+2022sinx.

C6 bao nhiéu ham so chan trong cadc ham so sau: y = sin|x

, y=cos3x, y=tan2x va y=cotx

?
A. 1. B. 2. C.3. D. 4.
Trong cac ham s6 sau, ham s6 nao 1a ham sb chan?
. 2 .
A.y:|51nx|,. B,yZX Sin x. C.y: X . D.y:x+sinx.
COS X

Trong cac ham so6 sau, ham s6 nao c6 do thi doi xung qua truc tung?

. T
A. y =sin xcos2x. B. y= sin’ x.COS(x—Ej.
C. y-_tanx D. y=cosxsin’ x.
tan” x +1

Trong cac ham so6 sau, ham s6 nao 1a ham so6 1¢?

A. y=cosx+sin’ x. B. y=sinx+cosx. C. y=-—cosx. D. y =sinx.cos3x.

Trong cac ham so6 sau, ham s0 nao c6 do thi do1 xung qua goc toa do?

sinx +1
A. y =cot4x. B. y= . C. y=tan’ x. D. y= |c0t x|.
cos X

Trong cac ham sb sau, ham sé nao 1a ham s6 16?

. (7 . cotx tan x
A. y=sin| ——x |. B. y =sin’ x. C.y= . D.y=——-.

2 cosx sin x

Trong cac ham sd sau, ham s6 nao 1a ham s6 187
A. y=1-sin’x. B. y =|cotx|.sin’ x.
C. y=x"tan2x —cotx. D. y=1+|cotx+ tanx|.
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Cau 91:

Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

Cau 98:

Cau 99:

Cau 100:

Cau 101:

Cho ham s§ f(x)=sin2x va g(x)=tan’ x. Chon ménh dé dung
A. f(x) 1aham sé chin, g(x) lahamsd1é.  B. f(x) lahamsé1é, g(x) 1a ham sb chin.
C. f(x) 1aham s chin, g(x) 1a ham s6 chin. D. f(x) va g(x) déu 1a ham s 1é.

_ |sin 2x| —cos3x

Cho hai ham s6 £ (x)=—22¥ _ va g(x)

. . Ménh d nao sau ddy la ding?
1+sin” 3x

2+tan’ x
A. f(x) 1€ va g(x) chan. B. f(x) va g(x) chan.
C. f(x) chin, g(x) 1. D. f(x) va g(x) I&.

Trong cac ham sb sau, ham s6 ndo c6 dd thi ddi ximg qua gbc toa d6?

A y= ! . B. y:sin(x+%j. C. y:\/zcos(x—%j.D. Yy =+/sin2x.

sin® x

Ménh d& nao sau day 12 sai?

A. Do thi ham s6 y = |sin x| dbi xtmg qua gbc toa do O.
B. D6 thi ham s§ y = cosx ddi xing qua truc Oy.

C. Db thi ham s6 y = |tan x| d6i xtng qua truc Oy.

D. B thi ham s6 y =tanx ddi ximg qua gdc toa do O.

Trong cac ham so sau, ham s6 nao la ham so chan?

A. y=2cos| x+— |+sin(z —2x). B. y=sin| x—— |+sin| x+~ |.
2 4 4
C. y:ﬁsin()w%j—sinx. D. y=+/sinx ++/cos x.

Trong cac ham so6 sau, ham s6 nao 1a ham so6 1&?

A. y:x4+cos(x—%j. B. y:x2°17+cos(x—%j.

C. y=2015+cosx+sin™" x. D. y=tan

2017 2018

X+sin® " x.

Trong cac ham s6 sau sau. Ham sd nao c6 d6 thi nhan truc tung lam truc ddi xung?
A. y=tanx. B. y=sinx. C. y=cotx. D. y=cosx.

Ham s6 nao 1a ham s6 chan trong cac ham s6 sau?

: 2
A. y=sinx.cosx. B. y=tanx. C. y=cotx. D. y=SIn" X.COS X .

Ham sb nao sau day la ham s chin?
A. y=sin4x. B. y =cos5x. C. y=tan4x. D. y =cot10x.
Trong cac ham sb sau ham s6 nao 13 ham s6 chin?

A. y=2cosx. B. y=2tanx. C. y=2sinx. D. y=2cos(x—1).

Ham s6 nao sau diy 1a ham s6 chan trén R ?

A. y=x.cos2x. B. y:(x2+1).sinx. C.y= cosx | D. y= tanx
1+x° 1+ x°
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Cau 102:

Cau 103:

Cau 104:

Cau 105:

Cau 106:

Cau 107:

Cau 108:

Cau 109:

Cau 110:

Cau 111:

Cau 112:

Cau 113:

Trong cac ham s6 sau, ham so nao 14 ham s6 chan trén R ?

. T . T
A.y:sm(z—x). B. y=tanx. C. y=sinx. D.y:sm(ergj.
Trong cac ham $6 sau, ham 6 nao c6 dd thi nhan géc toa do lam tam dbi xung?

A. y=xsinx. B. y=cosx. C. y=1-sinx. D. y=sinxcosx.

Trong cac ham s6 sau, ham s6 nao 1a ham sb chan?
A. y=sin|2022x|+c0s2021x. B. y=2021cos x +2023sin x .
C. y=cot2021x—2022sin x . D. y =tan2021x +cot2022x .

Ham s nao sau dau c6 do thi nhan truc tung lam truc ddi xung?
A. y= |sinx]|. B. y=cotx. C. y=tanx. D. y=—sinx.

Trong cac ham so sau day, ham s6 nao 1a ham so chan?

A. y=sinx. B. y=x+sinx. C. y=xcosx. D.y:smx.
X

Ham s6 nao sau day 13 ham sb chin

A. y=sinx. B. y=tanx. C. y=cot(2x). D. y=sin|x|.

L1 £ . . (57 . A 1x 14
Trong cac ham So:yzzsinx; y:|Slnx+3’ y:SIH 7—2019)(: , CO baO nhleu ham ler)

A. 3. B. 0. C. 1. D. 2.

Cho hai ham s6 f(x)=sin2xva g(x)=cos3x. Chon ménh dé dung
A. f1aham sb chin va gla ham sé 1é. B. fva glahai ham s chén.
C. fva glahai ham s 1¢. D. flahamsd 1é va gla ham s6 chén.

Trong cac ham s6 sau c6 bao nhi€éu ham s6 1a ham s6 chan trén tap xac dinh ctia n6?

2018

y=tan2x, y=sin®"x, y=cos(x+37), y=|cotx].

A. 2. B. 4. C. 3. D. 1.

Trong cac ham sb sau, ham s6 ndo c6 dd thi ddi ximg qua gbc toa d6?
inx+1

A. y=cot4x. B. y="070 C. y=tan’x. D. y=|cotx].
cosx

Trong cac ham so6 sau, ham s6 nao c6 do thi doi xung qua truc tung?

A. y=sinx.cos2x. B. y =sin’ x.cos(x—%).
t .
C. y=¢. D. y =cosx.sin’ x.
tan” x +1

Cho ham s6 f'(x)=sin2xva g(x)=tan’ x. Chon ménh dé dung?
A. f(x)1a ham sb chdn, g(x)la ham so Ié.
B. f(x)laham so 1é, g(x)1a ham s6 chén.

Page 66
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

C. f(x)1a ham s6 chdn, g(x)la ham sb chan.
D. f(x)va g(x)déula ham sd 1é.

Céu 114: Trong cac ham sb: y = 2sinx; y = |sinx+3 ; ¥y =sin (57”— 202 lxj , 0 bao nhiéu ham 1¢?

A. 3. B. 0. C.1. D. 2.
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| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 3: HAM SO LUQNG GIAC VA PO THI

@ HE THONG BAI TAP TRAC NGHIEM

Cau 115:

Cau 116:

Cau 117:

Cau 118:

Cau 119:

Cau 120:

Cau 121:

Cau 122:

Cau 123:

Cau 124:

Cau 125:

DANG 3. TAP GIA TRI - GIA TRI LON NHAT - GIA TRI NHO NHAT

Tap gié tri ciia ham s6 y =sin2x la:

A [-2;2]. B. [0;2]. C.[-L1]. D. [0;1].
Gi4 tri 16n nhat ctia ham s6 y =sin2x bang

A. 2. B. 0. C. 1. D. -1.
Tap gia trj ciia ham sb y=sinx la

A T=[-11]. B. T =(-1;1). C. T=[-10]. D. T=[0;1].
Gia tri 16n nhat cua ham s y =3sinx trén tap xac dinh R 1a?

A. 1. B. 2. C. 3. D. 3.
Gi4 tri nho nhat ciia ham s6 y =cosx 1a

A. 1. B. 0. C. 1. D. 2.

Gi4 tri 16n nhét cua ham s6 y=2+/sinx+1-3 1a

A 223+2. B. 243-2. C. 243-3. D. 342.
Gia tri 16n nhat va gia tri nho nhat ctia ham sb y =3sin [x + 3%] —1 1an luot 1a:

A. 4;-2. B. 2;—4. C. I;—1. D. 3;-3.
Gia tri nho nhét va gia tri lon nhét ctia ham sb y=cosbx+5 lan luot la
A.4vao. B. 0 va 4. C. —-1vall. D. 6 va 4.
Tim gia tri 16n nhat va gia tri nho nhat cia ham s y =8sin2x—5.

A. max y=11; min y=-21. B. max y=8; miny=-8.

C. maxy=—4; miny=-6. D. max y=3; miny=-13.
Goi M lagia tri 16n nhat, m la gia tri nho nhat cua ham s y=4sinxcosx+1.Tinh M +m
A. 2. B. 4. C. 3. D. 1.
Tap gid tri cia ham s6 y =3sin3x+2 1a

A. R. B. (0; +0). C. [-L5]. D. [-7;11].
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Céu 126: Gia tri 16n nhét va nho nhat cia ham s6 y =3sin2x -5 lan luot la:
A. 8;2. B. -2;-8. C. 2;-5. D. 3;-5.
Céu 127: Gia tri 16n nhat va nho nhat ciia ham s6 1a y =2 —sinx 1a
A.1va3. B. 4 va 4. C.2va4. D. 3 val.
Cau 128: Goi M,m lan luot 1a gia tri 1on nhét va gia tri nho nhét cta ham sb y=6¢co0s2x—7 trén doan

T

[__,_} Tinh M +m
3°6

A. —14. B. 3. C. -11. D. -10.
Cau 129: Tap gia tri cia ham s6 y =sin4x—3 1a:

A. [-4;-2]. B. [-3;1]. C. [-22]. D. [-4;2].
Cau 130: Tim gié tri l1on nhét, gia tri nho nhét cua ham sb y=2sin’ x+3sin 2x —4cos’ x.

A. min y =-3/2-1; max y =32 +1. B. miny= —3J2-2; max y =32 -1.

C. miny= —32; max y =3/2-1. D. miny = —3J2-1; max y =3/2-1.
Cau 131: Tap gia tri cia ham s6 y =sin4x—3 la:

A. [-4-2]. B. [-3;1]. C. [-2:2]. D. [-4;2].
Cau 132: Tim gia tri lon nhét, gia tri nho nhét ciia ham s6 y=3sinx+4cosx—1.

A. maxy=4,miny =—6. B. maxy =8 miny=-6.

C. maxy=6,miny =—4. D. maxy=6,miny =-8.

Cau 133: Tim gié tri l1on nhét, gia tri nho nhét cua ham sb y =2cos’ x—2+/3sinx.cosx+1.
A. miny=—1+\/§;maxy=3+\/§. B. miny=0;max y=4.
C. miny=-4;max y=0. D. minyzl—x/g;maxy=3+\/§.

. Vd
CAu 134: Tap gia tri T cua ham so y=cos(2x+§j—cos2x la
AT=[3B]. B.T=[V242]. cr=[-11]. D. T=[-22].

Cau 135: Tong gia tri 10n nhit va gia tri nho nhét ctia ham s6 y = 2sin? x—2sin® x—2sin2x+1 1a
5 3

A. 4. B. —. C.—. D. 3.
2 2

Céu 136: Goi M , m lan luot 13 gia tri 16n nhit, gia tri nho nhat cua ham s y=cos2x+4cosx+1.Khi
d6 M —m bang
A. 2. B. 8. C. 4. D. -8.

Céu 137: Gi4 trj 16n nhat ctia ham sb y = cos’x+sinx+9 trén doan [0;7] bang

A.ﬂ. B. 10. C.g. D.E.

4 2 4
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Cau 138:

Cau 139:

Cau 140:

Cau 141:

Cau 142:

Goi m 14 gia tri nho nhét ctia ham s6 y = 4cos2x—1 trén doan [_ﬁ %} Tim m.

A. -5. B. 3. C. -1 D. -3.

Tim gia tri 16n nhat ctia ham sd y =sin® x — cos x + 2
13

A. 3. B. —. c.l. D. 1.
4 4

Tim gié tri 16n nhAt, gi4 tri nho nhét ciia ham s6 y = 2cos” x —sin x + 3.

41

A. min 4 ; max — B. min 2; max 4.
fe” = E Y TR fay? o E YT
: 41 41

C. min y =——; max 2. D. min 2; maxy=—
SR R fa? = Y T

Goi M,m lan luot la gia tri lon nhat, gia tri nho nhét cta ham sé y=sin2021x + J3c0s2021x .
Tich M.m bang
A. 4. B. 2. C. 9. D. -1.

GoiM va m lan luot 1a gia tri 16n nhét va gia tri nho nhét ciia ham s y=2cos’ x+5sinx+1

trén [%,%{} . Khi d6 M —m bang bao nhiéu?

A M-m=1. B.M-m=11. C.M-m=—. D.M-m=6.

N | —
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 3: HAM SO LUQNG GIAC VA PO THI

@ HE THONG BAI TAP TRAC NGHIEM

DANG 1. TAP XAC PINH

Cau l: Téap xac dinh cia ham s y=sinxla

A. [-1:1]. B. (-L1). C. (0;400). D. R
Loi giai
Cau 2: Tap xac dinh ctia ham s6 y=— la
Sin x
A. D=R\{0}. B. D=R\{k27z,k e Z}.
C.D=R\{kz,keZ}. D. D=R\{0;7}.
Loi giai
Ham s6 y =——xac dinh khi va chi khi sinx#0 < x # kz,k € Z.
Sin x
Cau 3:  Tap xac dinh ctia ham s6 y = tan 2x 1a
A D=R\Z+;Z kez!. B. D=R\!Z+kZ lkez!.
4 2 4 2
T T
C.D:R\{E+k27r |kez}. D.D:R\{?L/m IkeZ}.

Loi giai
<A N , . ) \ J4 T T T
biéu kién xac dinh cua ham s6 cos2x¢0<:>2x¢5+k7r<:>x¢z+k5(keZ).
Ao oA , . ) \ X T T
Vay tap x4c dinh ctia ham s6 D = R\{Z+k3 lk € Z}

1+sinx

Cau4: Tap xac dinh cia ham sé y = la

COS X

A. D=R\{kz,keZ}. B. D=R\{%+k7z,keZ}.

C. D=R\{k27,k e Z}.D. D:R\{%JrkZﬂ,keZ}.

Loi giai
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Ciu 6:

Cau 7:

Cau 8:

Cau 9:
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A Cn , . T
bicu kién xac dinh cosx # 0 < x¢5+k7r.

2021—cosx

Diéu kién xéac dinh cia ham s y="—"—"———"""1a
sin x
V4 kr
A.x¢3+kﬂ',keZ. B. x#kr,keZ. C. x#2krn,keZ. D.x;t?,keZ.
Loi gidi

Ham sb di cho xac dinh khi: sinx#0 < x#kx, keZ.

Tap xéc dinh cia ham s6 y=tanx la

A. D=R\{k27,keZ}. B.D:R\{%+k2ﬁ,keZ}.
Q.D:R\{%Hm,keZ}. D. D=R\{kz,k e Z}.
Loi gidi

Ham sb y=tanx xac dinh khi va chi khi cosx¢0<:>x¢§+k7r,keZ.

Vay TXD la: D:R\{gﬂm,keZ}.

x2+1

la

Tép xéac dinh cua ham s6 y =
Ccos X

A. D=R. E.D=R\{%+kﬂ,keZ}.

C. D=R\{kz,keZ}. D. D:R\{%”,kez}.
Loi giai

A “ A v/
bicéu kién: cosx¢0c>x¢3+k7r,keZ.

Vay tap xac dinh cia ham s61a D=R\ {% +kr, ke Z} .

Tép xdc dinh D ciia ham sé y= "% 13
cosx—3
A. D=(3;+=). B. D=R\{3}. C. D=(-%;3). D. D=R.

Loi giai
Taco -1<cosx<1L,VxeR.Dodd cosx—3#0,VxeR.
Vay tap xac dinh cia hamsb1a D=R.

l—sinx
la

Tap xé&c dinh cia ham s6 y =
COS X
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

A.DzR\{xikﬂ;keZ}. B.D:R\{x;thﬂ';keZ}.
T T
Q.D:R\{xizﬁ-kﬂ;keZ}. D.DIR\{X¢—5+k2ﬂ;kEZ}.
Loi giai

Ham sb xac dinh khi cosx¢0<:>x¢§+k7r, keZ.

Tap xéac dinh ciia ham sd y = tan [Zx —%] la

A D=R\xzZs* penl, B. D=R\x#EikmkeZb.
6 2 12
s S5t km
C.D=R\sxz—+kmkel;. D. D=R\{ix=—+—;ke€Z;.
2 - 12 2
Loi gidi

¢0<:)2x—£¢£+k7r<:>x¢5—7r+k—7r, keZ.
3 2 12 2

keZ}.

kez}. D. R\{k2z|k eZ}.

Ham sé xac dinh khi cos[2x —g

Tap xac dinh ciia ham s6 y =cotx la

A.R\{kzlkeZ}. B R\{£+k2ﬂ'
2

C. R\{£+k7r
2

Loi giai
Ham sé y = cot x xac dinh khi va chi khi: sinx # 0 < x # kz véi k € Z . Do d6 tap xac dinh cua

ham s6 y =cotx 1a D=R\{k7z|keZ}.

1—cosx

Tap xac dinh ciia ham s0 y = la

sin x

A. D=R\{kz|keZ}. B. D=R\{%+kﬂ|keZ}.

C. D=R\{k2z|keZ}. D.D:R\{§+k2ﬂ|keZ}.
Loi giai

Didu kiénsinx =0 = x#kr,keZ.

Tap xac dinh D =R\{kz |k e Z} .

Tap xéc dinh cua ham ) y=2+3tanxla

A.D:R\{%Jr/m}. B.D:R\{%Hm}. g.D:R\BHm}. D.D:R\me}.

Loi giai
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Chon C

DbKXD cosxxO@ng—l—kw. Do do tap xac dinh cua ham s6 1a D:R\{g—i—kﬂ}.

Tap xéc dinh cua ham sb y:.;hﬁ
2sinx—1
A. D:R\{i%+k2ﬂ,keZ}. B. D:R\{i§+k2ﬁ,keZ}.
C. D=R\{%+k2n;%”+k2n,kez}. D. D=R\{%+k2n;%’[+k27z,kez}.
Loi giai
Chon C
x¢£+k27[
Ham sb xc dinh khi sinx#z—<>{  © keZ.
2 RY/4
x#—+k2x
6
Vay D=R\{%+k27r;%r+k27r,keZ}.
Tim tap xéc dinh D cia ham s y = 1 —S0%
1+cosx
A. D:R\{—%+k2ﬂ;%+k2ﬂ',keZ}. B. D=R\{—kr,keZ}.
C. D=R\{z+k2r,keZ}. D. D:R\{%+k2ﬂ,keZ}.
Loi giai
Chon C
Piéu kién xac dinh ctia ham s6: cosx #—1< x # t+k27.
Tap xac dinh ctia ham ) y=‘; la
sin2x+1
T T
A. D:R\{—E+kﬂ,keZ}. B. D:R\{—E+k2ﬁ,keZ}.
T T
C. DzR\{—Z+kﬂ,keZ}. D. D:R\{—Z+k2ﬁ,keZ}.

Loi gidi
PKXD cta ham s 1a sin2x¢—1<:>2x¢—%+k27z®x¢—%+k7z,keZ.
Vay TXD: D=R\{—%+k7z,keZ}.

A s . s A sin x .
Téap xac dinh cuiahams6 y=——— 1a
2—2cosx
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

A.D=R. B.D:R\{k%|keZ}-

C-D:R\{ﬁ+k%|kez}. D. D=R\{k2z|k €Z}.
Loi gidi

Ham sb xac dinh <> 2—2cosx#0<> cosx 1< x#k2r.keZ.

Vay tap xéac dinh cia ham s0 1a D =R\ {k2z|k e Z}.

2021

1—cosx

la

Tap xac dinh cia ham s6 y =

A. D:R\{%,keZ}.E. D:R\{kZﬂ',keZ}.

C.D=R\{%+kﬂ,keZ}. D. D=R\{kr,keZ}.
Loi gidi

Ham s xé4c dinh khi cosx # 1< x # k27

Tap xéc dinh ciia ham s y :M la

1—cosx
A. D=R\{x#k2m;k € Z}. B. D=R\{x#7z+k2m;keZ}.
C.DzR\{x;ﬁ%—i—kn;keZ} D.D=R\{x¢%+k2ﬂ;keZ}.

Loi giai

Ham s6 x4c dinh khi 1 —cosx =0 < cosx=1< x= k27, k€Z.

Tap xéc dinh cua ham sb y:_; la
sin x — Cos X
A. D:R\{xikﬂ;keZ}. B. D:R\{xikZﬂ';keZ}
C. DzR\{x;ﬁ%H’m;keZ}. D. D:R\{xig—l—lm;keZ}.

Loi giai
Ham sb xac dinh khi sinx—coser@sin[x—%]zO@xr%—i—kw, kel.

2020

Tap xac dinh ctia ham ) y= a
tan(x +20197)

A. DzR\{k%,keZ}.B. D=R\{kn,keZ)}.

C.D=R\{%+kn,keZ}. D. D=R\{k2z,k e Z}.

Loi giai
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Cau 22:

Cau 23:

Cau 24:

Chon A

Ta cod tan(x+20197) =tan x
Ham s6 xac dinh khi va chi khi tanx =0 < x = k%,k eZ.

A s A £ sinx
Tim tap xé&c dinh cuia ham s6 y=——.
1-2cosx

ez} nfl]

A. R\{i%+k2ﬂ'

C. R. D.R\{§+k27rkeZ}.
Loi giai

Chon A

Ta cod

l—ZCosx¢0<:>c05x¢%<:>x¢i%+k2ﬂ'.

3+sinx .
la

Tap xé&c dinh ctia ham s6 y =
cosx—1

A. D=R\{kz,keZ}. B. D:R\{%+k7r,keZ}.

C.DzR\{%HcZ;z,keZ}. D. D=R\{k2z,keZ}.
Loi giai
Chon D

Piéu kién cosx—120<cosx =l x#k2n,keZ .
Vay D=R\{k27r,keZ}.

2sinx—1 .,

Tap xéc dinh ctia ham s6 y = la

COS X

A.D=R\{%+k7z,keZ}. B. D=R\{kr,keZ}.

C. DzR\{k%,keZ}. D. D=R\{k27z,keZ}.
Loi gidi
Chon A

. 2sinx—1
Ham so y=&xé0dinhkhi cosx¢0<:>x¢%+k72,keZ.

COS X

Tap xéc dinh cua ham s6la D= R\{%+k7z;k € Z} .
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

tanx
la

Tap xac dinh cia ham s6 y =
cosx+1

A. R\{z+k27,keZ}. B. R\{%+kﬁ;k27z,keZ}.

C. R\{%+kﬁ;ﬁ+k2ﬁ,keZ}. D. R\{%”,kez}.
Loi gidi
Chon C

Vs
cosx =0 x#—+kr
= 2

Diéu kién x4c dinh: { (keZ).

cosx #=—1
x#=rx+k2x

Tim tap x4c dinh D ctia ham s6 y=tan(x—%j.
Vd Vd
A. D:{xeR|x¢E+k7r,keZ}. B. D:{xeR|x¢Z+k7r,keZ}.

C.D:{xeR|x¢3§+kﬂ',keZ}. Q.D:{xeR|x¢3Tﬂ+k7r,keZ}.
Loi giai
Chon D

Ham s6 y = tan(x—%j xac dinh < cos(x—%j #0

<:>x—£¢£+k7r<:>x¢3—ﬂ+kﬂ' (keZ).
472 4

Tim tap xéac dinh ctia ham s6 y = 2021cot 2x +2022.
A D=R\Z+kzt. B.D=RKkZ!. . D=RWZ+rZ!\ p.D=R.
2 - 2 4 2
Loi giai

Chon B

Pidu kién xac dinh sinzxio@zx;tkz@xi%”,kez.

Tap xéc dinh D:R\{k%;k ez}.

Tap xac dinh ctia ham s6 y =cotxla

A. D=R\{kx}. B. D=R\{kn,keZ}.
C.D:R\{%+kﬂ,keZ}. D. D=R.

Loi giai
Chon B
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

, cos X
Taco cotx = .

sin x

bicu kién xac dinh ctia ham so la: sinx#0< x#kr,keZ.

Vay tap x4c dinh ciia ham s y =cotxla: D=R\{kz,k e Z}.
Tap xac dinh ciia ham sé: y = tan(2x +%] ?
A. R\{%+k7z,keZ}. B. R\{%+k§,keZ}.

C. R\{£+k7z,keZ}. D. R\{er—”,kez}.
6 6 2
Loi gidi

Chon D

biéu kién: cos 2)c+£ ¢0<:>2x+£¢£+k7zc>x¢£+k—”,kez.
6 6 2 6 2

Do d6 tap x4c dinh D:R\{%+%’Z,kez}.

Tap xac dinh ciia ham s6 y =——Ia:

Sin x
A. D=R\{kz,keZ}. B. D=R\{k2r,kelZ}.
C. D=R\{0;7}. D. D=R\{0}.

Loi giai
Chon A
Ham s da cho x4c dinh khi va chi khi sinx#0 < x = kx (keZ).

Vay tap xdc dinh ctia ham s6 1a: D =R\ {k7,k € Z} .
Diéu kién x4c dinh ciia ham sé y = tan 2x 1a

Aoxz-Zikr. B. x#Zvkr. C.x#—+—. D. x2 X +kr
4 2 4 2 4

Chon C
Y A 21 e , . . T T kﬂ'
biéu kién d€ ham s6 y =tan 2x xac dinh la cos2x¢0<:>2x¢5+kﬂ<:>x¢—+—,keZ.

Tap xéc dinh ctia ham s y= M la:
sin 2x

A. D:R\{%”,kez}.ls. D:R\{ingﬂ;%’”,kez}.

C.D:R\{%+k2ﬂ,kez}. D. D=R\{kz,keZ}.
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Cau 33:

Cau 34:

Loi gidi
Chon A

Ham sé xé4c dinh <:>sm2x¢0<:>x¢k7 k eZ. Tap xac dinh D = R\{%T keZ}

Tim tép xé&c dinh cuia ham s6 y =tanx.

A. R\{2+kﬂ|keZ} B. R\{kz|keZ}.
C. R\{2+k2ﬂ'|k62} D. R\{k27z|keZ}.

Loi giai
Chon A

Ham s8 x4c dinh khi va chi khi cosx;t()<:>x;t%+k7z, (keZ).

Tap xéc dinh cua ham sb y= ; la

V1—cosx

A. Dz]R\{kZ;r,keZ}.B. D:]R\{ﬂ'+k27r,keZ}.

C. D= R\{2+k27z keZ} D.D=R\{—%+k27z,keZ}.
Loi giai
Chon A
Ham s6 x4c dinh < 1—cosx >0< cosx <1< cosx # 1< x# k27 Tim tap xac dinh cia ham sb
_ sin2x
2cosx+\/§
A.DzR\{i%+k27z}. B.D:R\{i%+kﬂ}.
R4 hY/4
C. D=R\ i?+k27r . D. D=R\ J_r?+k7z .

Cau 35:

Loi giai
Ham sb ¢ nghia khi : 2cosx++3#0 < cosxi—%@ xii%+k2fr
A A e .1 £ 1+ S5
Vay tap xac dinh ctahamsola: D=R\ {i?+ k27r} .

tan x

Tap xéc dinh ctia ham s6 y = la
1—tanx
A.D=R\ZviomZikon kel B. D=R\!\-Ziom-Zikonkent.
2 4 2 4
C.D= ]R\{2+k7rz+k7r keZ} D.D:R\{%+k7r;%+k2ﬂ,keZ}.

Loi gidi
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Cau 36:

Cau 37:

Cau 38:

Cau 39:

cosx =0 x¢z+k7r
Ham sé x4c dinh khi sl 2 kez.
l—tanx =0 s
xiz%—kw

Vay tap xac dinh cia ham s6 14 D =R\ {%+ kﬂ';%+k7[,k € Z} .

Tap xéc dinh cua ham ) y=tanx+cotx la
A. R\{%+kﬂ';keZ}. B. R\{k%;keZ}. C. R\{km;keZ). D.R.
Loi giai

sinx#0 . s
Ssn2x#0 S 2xzkrnox+k—, kelZ.
cosx =0 2

Diéukién{

Tap xéc dinh cua ham s6 y:cotg la

A. DzR\{kﬁ,keZ}. B. D=R\{7r+k27z,keZ}.

C. D:R\{%ﬁ,kez}.g. D=R\{k27z,k eZ}.
Loi giai

Ham s6 xac dinh khi: sin%iO@%ikﬂ'@xikZﬂ',keZ.

2cosx—1

Tim tap x4c dinh D ciahamsb y=———"——3tanx.
Sin x
A. D:R\{kn;g+kn,keZ}. B. D=R\{knkeZ}.
C. D:R\{g+kn,keZ}. D. D:R\{kn;g+k2n,ke2}.
Loi giai

sinx#0 x#kz
Piéu kién: o r  (kez).

cosx =0 x¢5+kﬂ

Tap xac dinh: D = R\{kn;g+kn,k e Z} .

Tép xéc dinh cia ham s y = Y2-S10*
tan x
A.D=R\{%+kﬂ,keZ}. B. D=R\{kr,keZ}.

C. D=R\{k7”,kez}.n. D=R\{k27,keZ}.
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Cau 40:

Cau 41:

Cau 42:

Cau 43:

Loi gidi
2—sinx >0 (luon dung)
cosx#0 . kr
PK: <cosx#0 = Ssin2x 20 2x#krn o x#— (keZ).
sinx =0 2

tanx # 0
A , . , \ A kr
Tap xac dinh ctia ham s6: D = R\{T’k € Z} .

Tim tap xéac dinh cia ham s§ y = tan(3x —%) .

A.D:R\{5+k—”,kez}. B.D:R\{£+k—”,kez}.
33 9 3
C. D=R\Z 52 4zl D. D=R\|ZZ+ 7 ezl
9 3 9 3
Loi giai

biéu kién: cos(3x—%)¢0©3x—%¢%+kﬂ<:>3x¢27ﬂ+kﬁc>x¢2§+k?ﬂ, kel.

Vay tap xac dinh ctia ham sé trén 1a D = R\{%[+k7”,k e Z} .

Ham s y = =>810% 4¢ dinh khi
cos2x

A.x¢%+k%,keZ. B.x¢§+k7r,keZ. C.x;t%Jrkiz,keZ. D.x#k2n,keZ.
Loi giai

Ham s xac dinh khi cos2x¢0<:>2x¢%+k7r<:>x¢%+k%,kez.

, 1
Tap xac dinh cua ham s6 y = —— la:
P ’ d Vsin2x +1
A.D:R\{—%+k27z|keZ}. B.D:R\{—%+k27z|keZ}.
Q.D=R\{—%+kﬂ|keZ}. D. D=R.
Loi gidi
‘ 1
Ham s60 y = ——— x4c dinh khi va chi khi sin2x+1>0<sin2x>-1<sin2x #-1.
4 \sin2x +1 '

Do d6 2x¢—%+k2ﬂ (keZ)@xi—%+kﬂ(keZ).

Tap xéc dinh ctia ham sb y = M
sin” x+1
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A.R\{%+k27z,keZ}. E.R\{%+kﬁ,keZ}.

C. R. D.]R\{k;r,keZ}.

Loi giai
N A s . T
Ham s6 xac dinh < cosx =0 <:>x¢3+k7z,keZ

1
Jl—sinx'

A.D=R\{kz,keZ}. B. D:R\{§+k7z,keZ}.

Cau 44: Tim tap xac dinh D cta ham ) y=

Q.D:R\{%H’czﬂ,keZ}. D.D=0.
Loi giai
Chon C

Ham s x4c dinh khi va chi khi 1-sinx>0 < sinx<1. (*¥)

Ma —-1<sinx <1 nén (*)<:>sinx¢1@x¢%+k27r,kez.

Vay tap x4c dinh D = R\{%+ K2,k Z}.

Cau 45: Tim tap xac dinh D ciia ham sb y=\/5+2cot2x—sinx+cot(%+xj.

A. D=R\{%”,kez}. B. D:R\{—%+kﬂ,keZ}.

C.D=R D. D=R\{kz,k e Z}.
Loi gidi
Chon A

Ham s6 xac dinh khi va chi khi cac di€u ki€n sau thoéa man dong thoi

. r e e
5+2cot’ x—sinx>0, cot (EJF x] xac dinh va cot x xac dinh.

2cot’ x>0
® Taco * . = 5+2cot’ x—sinx >0, VxeR.
—1<sinx<1=5-sinx>0

() cot(%+x] xac dinh <:>sin(%erj;é0©§+x¢k7z<:>x¢—§+k7z, kel.

® cotx xacdinh o sinxz0< x#kr, ke Z.
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T
. #=——+k
Do d6 ham s6 xéc dinh <4~ 2 ”@x;t%”,kez.
x#kx

Vay tap x4c dinh D=R\{%’”,kez}.

Cau 46: Tim tap xac dinh D ciia ham s§ y =tan (% cos xj.

A.D:R\{%+k7z,keZ}. B.D:R\{%+k2ﬁ,keZ}.
C.D=R. D. D=R\{kz,keZ}.

Loi giai
Chon D

Ham sb xac dinh khi va chi khi %.COSXi%-f-kﬂ' < cosx#1+2k . (*)

Do keZ nén (*) < cosx =l sinx =0 x # k. k e Z.

Vay tap xac dinh D=R\ {kﬂ',k € Z}.

la

Cau 47: Tap xac dinh ctia ham ) y=
tan x

A-Dz{k%,kez}. E.D=R\{k§,kez}.
C. DzR\{kﬂ,keZ}. D. Dz{kﬂ,keZ}.

Loi giai
Chon B

At en cosx#=0 cosx#0
bicu kién xac dinh: { & {

, osin2x 20 2x 2k o x#kkel.
sinx#0 2

tanx =0

Vay tap xac dinh cia ham sbdichola D=R\ {k%,k IS Z} .

Céu 48: Tim tap x4c dinh cia ham sé y = ﬂ
2cosx+1
A. D:R\{—§+k27z,4?ﬂ+k27z|k ez}. B. D:R\{i%’rwzﬂkez}.
Sz T
C. D:R\{i?+k27r|keZ}. D. D:R\{i§+k2ﬁ|keZ}.

Loi giai

Chon B
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Piéu kién: 2cosx+1#0 < cosx;t—% =N x;tiz?n+k27t.

Tép xéc dinh: D = R\{i%[+k27r|k € Z}.

sin x

2

CAu49: Hamsd y= :
1-2sin” x

c6 tap xac dinh 1a

A. D=R\{%+k7r

kez}. B.D=R\{%+k7r

keZ}.

C. D=RUZ+ ezl D. D=R\{+Z s+ k2xlkeZ!.
4 2 4
Loi giai
Chon C
. 2
SIn X #— ju ju
Piéu kién: 1-2sin*x #0 < oxr—+k= (keZ).
-  (4<?)
SInNx #——
2
Vay tap x4c dinh 1a D:R\{%Jr%”kez}.
Cau 50: Ham séy=_;cé tap xéc dinh la
sin 2xcos2x
A.D:R\{%+k7ﬂ|keZ}. §.D=R\{%|kez}.

C. D=R\{kz|keZ}.D. D=R\{k7ﬂ|keZ}.

Loi giai
Chon B

Diéu kién xac dinh cua ham s6 13: sin2xcos2x #0 <> sindx #0 < dx £k < x IiT”
(k € Z).

Vay tap xéac dinh D=R\{]iTﬂ|keZ}.

Causl: Hamsé y=—"02% o6 tap xéc dinh 1a
cotx—\/g
A.D=R\{%+kﬂ|kez}. B. D=R\{kr|keZ}.
Q.DzR\{kﬂ;%+k7r|keZ}. D.D:R\{%+kﬂ;%+kﬂ|ke2}.

Loi giai
Chon C
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Cau 52:

Cau 53:

Cau 54:

Cau 55:

cotx¢\/§ x¢£+k7r
=N 6 (

biéu kién xac dinh ctia ham sb 1a: { keZ).
sinx#0
x#km
Tap xéc dinh cua ham sb yzwlé
cosx—1
A. R\{%+k7r}. B. R\{k27}. C. R\{kx}. D. R\{%+k2ﬂ}.
Loi giai
Chon C
. cosx—1#0 )
Ham so xac dinh << osinxz0 S x#kr.
sinx #0
Vay tap xac dinh la D =R\ {kﬂ'} )
Tim tap xac dinh cua ham sb y:.;.
sin2x —1
Vg Vs
A. D:R\{Z+kﬂ',keZ}. B. D=R\{5+kﬂ,keZ}.
C. D=R\{k2ﬂ,keZ}. D. DzR\{kﬂ,keZ}.
Loi giai

Chon A

Ta co: sin2x—1¢O<:>sin2x¢1<:>2x¢%+k27r®x¢%+kﬂ,keZ.

. t .
Ham so y = anx khong xac dinh tai cac diém
1+ tan x
A. chi x=%+k7r (keZ). B. chi x:%+k7r (keZ).
C. chi x=—%+kﬂ' (keZ). D. x:—%+kﬂvé x=%+k7z (keZ).
Loi giai
Chon D
=——+kr
, l+tanx=0 |~ *
Ham s6 khong xac dinh khi [ Ty (kez)
cosx =0 V4
xX=—+krx
Tap xéc dinh cua ham sb y= 2020
tanx —1
/4 T
A. R\{Z+kﬂ',keZ}. B. R\{E+kﬂ,keZ}.
C.R\{1+kzn,kez}. D. R Z s kmZrkn kel
4 2 4
Loi giai
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Cau 56:

Cau 57:

Cau 58:

Chon D

s
xX#*—+kr

- (keZ).
x*—+krx

4

1 ... |cosx#0
biéu kién
tanx #1

Vay tap xéc dinh ctia ham sé 1a: D = R\{%-&—kﬂ';%—l—kﬂ',k e Z}.
Tim tap xac dinh cua ham s6 y:cot2x+tan[%—xj.
A. D=R\{kz;keZ} . B. D:R\{%+kﬁ;keZ} _

C. D:R\{%”;kez} .D. D=R\{%’T;kez} .

Loi giai
Chon D
Diéu kién xac dinh
sin2x#0 .
2.sinx.cos xz0 ) .
Vs 9. < 2.5inx.c08x#0 o sin2x 20> x 23k eZ
cos| ——x |#0 sinx # 0 2

k
Tap xac dinh D:R\{Tﬂ;k € z} ,

o Loz tanx—1 V4
Tim tap xac dinh D ctia ham s0 ¥ = — +cos x+§ .
sin x

A. DzR\{kﬁ,keZ}.E. D=R\{k7”,keZ}.

C.DzR\{%Hm,keZ}, D. D=R.
Loi giai

Chon B
L tanx—1 T\ . . |sinx#0 ) kr
Hamsé y=—: +co0s| x+— |xac dinh khi: osin2x202x2kr & x#—

sin x 3 cosx#0 2
(keZ).
Tap xéc dinh cua ham sb y:ﬂlé

2sinx—4

A. R\{arcsin2+ k2, —arcsin2+k2z,k € Z} B. R.
C. R\{farcsin2+k2z,ke Z}. D. R\{kz,keZ}.
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Cau 59:

Cau 60:

Cau 61:

Loi giai.
Chon D

Tacd 2sinx—4#0,Vxe R,

Nén ham s6 xac dinh khi cot x xac dinh © sinx #0<> x #kz. ke Z
Vay tap xac dinh ctia ham s 1a R\ {kﬂ,k € Z} )

2020
tan x —1

A.R\{£+kﬁ}. B.R\{£+k7r}.
4 2

la

Tép xac dinh cuia ham s6 y =

c. R\ Z vianl. D. R\ v km Zvkn!,
4 = 2 4
Loi giai

Vs
cx Zn . X # By +kr
biéu kién xac dinh 2

tanx—1#0 x¢%+k7r
Tim tap xé&c dinh cua ham ) y=+/l-cosx +cotx?
A RVmkeZ). B (=l . R\{g+kn;kez}.n. —L1]\ {0}
Loi giai
1-cosx>0(Vx)

sinx#0

PKXD: { Sxzkmkel

Loi giai

Sxzhkn,kel.

o I-cosx>0 cosx <1
Ham s6 xac dinh <

sinx #0 xzkr

Tap xéc dinh cia ham s6 D =R\{kz, k € Z}.

Tap xac dinh D cia ham sb % =M.
tan x —1
A.D:R\{%Hm,keZ}. B. D=R\{1}.
C.DzR\{%Hm,keZ}. Q,D=R\{%+kﬂ;%+kﬂ,k€2}.
Loi giai
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Cau 62:

Cau 63:

Cau 64:

T
xz—+kr
 Jeosx#0 2 (keZ).VayTXD: D=R\\ " thm; “thn kel
tanx =1 T 2 4
x#z—+kr
4
Tx t/\ , d h D 5 hx A y 1
im tap xac din ciahamsd Yy =—F7——.
P ' \V1+sinx
A. D=R\{k2r,keZ}. B. D=R\{z+k2x,keZ}.
T -
C. D:R\{E+k2ﬂ',k62} Q. D:R\{T‘}‘kZﬂ',kEZ}
Loi giai

Piéu kién xac dinh cia ham s61a 1+ sinz > 0
Ma1l+sinz >0,Vzr e R

Nén1-|—sinx¢0<:>sinx¢—1<:>:r¢—§-|—k27r,k€Z,

Ham s6 ¥ = tan x + cot x + khong xac dinh trong khoang nao trong cac khoang sau

- +
sSimmx COSX

day?
V4 . RY/2 )
A. (k27l';5+k27l'jvél kel. B. (7[+k27r;7+k27r) voi keZ.
C. (%+k27r;7r+k27zjvéi kel. D. (ﬂ+k27r;27r+k27r)vé’i kel.
Loi giai
sinx #0 x# kx

bicu kién xac dinh ctia ham so la { kel

= T 5
cosx =0 X # 3+ kr
Khi d6, ham sb khong xac dinh tai x = 37”+ k2nv6i kel

Suy ra, ham sé khong xac dinh trén khoang (77 + k2727w + k27r) véi kel.

Tap xéac dinh ciia ham s& y = tan 3x 1a.

A. D:R\{£+k£,keR} B. D:R\{£+kﬂ,keR}
= 6 3 2
2r
C. D:R\{ﬂ+k7z,keR} D. D:R\{kT,keR}
Loi gidi

Diéu kién cos3x¢0<:>3x¢%+k7z<:>x¢%+%r

Tap xac dinh: D=R\{%+k§,keR}
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CAu 65: Tim m dé ham sb y= J5sin4x —6cos4x +2m —1 xac dinh v&i moi x

J61+1 Jol-1 J61+1

A.m2 . B. m>1. C.mz2 . D. m<
2 2 2
Loi giai

Ham s xé4c dinh véi moi » <> 5sin4x—6cosdx >1-2m Vx.

. 2 2 . .
Ta co |5$1n4x—6cos4x|S\/5 +(-6) =\/a,do do m1n(551n4x—6cos4x):—\/a.
\/a+1

2

=>—6121-2m o m>

Céu 66: C6 bao nhiéu s nguyén m sao cho ham sd y =~/msin x +3 c6 tap xac dinh 1a R ?
A 7. B. 6. C.3. D. 4.
Loi gidi

Ta co |msinx|:|m|.|sinx|S|m , Vx € Rnén —|m|+3£msinx+3£|m|+3, VxeR.

Do d6, ham sb y =+/msinx+3 ¢6 tap x4c dinh 1a R
& —|m+320 |m<3e-3<m<3.
Ma meZnén me{—3;—2;—1;0;1;2;3}.

Vay ta co 7gid tri nguyén cua M thoa man bai toan.

Ciu 67: Hamsé y=—N2% o oo xée dinh I R Khi
au . am SO = —F7—CO ap Xac am a 1
AVmcCos x +

A. m>0. B. 0<m«<l. C. -1l<mx<l. D. m#-1.

Loi gidi

H . 3+sin2x dinh i R 150
amsd y=—————=coOtdpxdcdinhla R & mcosx+1>
\mcosx+1

+m=0=1>0VxeR = m=0 thoa ycbt.

+m>0

Taco —1<cosx<l=> -m<mcosx<m=-m+1<mcosx+1<m+1
= GTNN cua mcosx+11a —m+1

=>-m+1>0=>0<m<1.

+m<0

Taco —1<cosx<Il=> -m>2mcosx>m=-m+1>2mcosx+1>m+1
= GTNN cua mcosx+1la m+1

=>m+1>0=>-1<m<0.

Suyra: -1<m<1.

Cau 68: Chohamso y= \/sin4 x+cos’ x—msinx.cosx . Tim M dé ham sd xéac dinh v&i moi X.

A. mE{—%;%}. B. me(-L1). C. me(—o0s1]. D. me[-L1].
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Cau 69:

Loi gidi

y= \/(sin2 x+cos” x)* —2sin® x.cos’ x — msin x.cos x

X X 1. |
:\/—251n2x.coszx—msmx.cosx+1=\/—Esm22x—5msm2x+1

- r \ A 1 2 1
Dat r =sin2x, —1<¢<1tacohamso y= _Et —Emt+1

Hamso y= \/sin4 x+cos* x —msin x.cos x xac dinh véi moi Ykhi va chi khi ham sb

1 1 . .
y:\/—gzz—amtﬂxéc dinh véimoi —1<¢<1 @—%tz—%mt+120Vt: —-1<r<1

ot -mt+2>0V¢:-1<t<1

Taco A=m’ +8>0,Vm.Bang xét dau f(t):—tz—mt+2

4 —0 i f,

+0

/() - 0 + 0

T BXD, tasuyra —t —mt+2>0V¢: -1<t <1t <-1<1<t,

—m—m*+8

2 <1 {\/m2+822m(1)
=

Temedrs T Wrszmez
2

2-m<0 m>2

| [2-m=0 &S| [mL2 om=>-1
{m2+82m2—4m+4 _{mZ—l
2+m<0 m< -2

Q)| [2+m=0 S| (m=2-2om<l
{m2+82m2+4m+4 _{msl

Vay me[-1;1].
DANG 2. TINH CHAN LE
Trong cac ham sb sau, ham s6 nao 1a ham s chin?
A. y=sinx. B. y=cosux. C. y=tanx.
Loi giai
Nhic lai kién thtc co ban:
® Ham sd y =sinx la ham s 1é.
® Ham s6 y=cosx 1a ham s chin.

® Ham s6 y =tanx la ham so lé.

Swu tdm va bién soan

D. y=cotx.
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Cau 70:

Cau 71:

® Ham s6 y = cotx 1a ham sé Ié.

Vay B la dap an dung.

Trong cac ham sb sau, ham sé ndo 14 ham s6 chin?

A. y=—sinx. B. y=cosx—sinx. C. y=cosx+sin2x. D. y =cosxsinx.
Loi giai

Tét cac cac ham s6 déu co TXD: D=R . Do d6 VxeD = —xeD.

Bay gio ta kiém tra f(—x) = f(x) hoac f(—x) = —f(x).

® Véi y=f(x)=—sinx. Taco f(—x)=-sin(—x)=sinx=—(-sinx)

——)f(—x)z—f(x). Suy ra ham s y =—sinx la ham s6 1é.

® Voi y=f(x)=cosx—sinx. Taco f(—x)=cos(—x)-sin(—x)=cosx+sinx

——>f(—x) # {—f(x),f(x)} . Suy ra ham s y =cosx—sinx khong chin khong 1¢.

® Voi y=f(x)=cosx+sin’x. Taco f(—x)=cos(—x)+sin*(-x)

= cos(—x) jt[sin(—)c)]2 =cosx+ [—sin x]2 =cosx+sin’ x

—>f(—X) = f(X) Suy ra ham sé ¥ =C0s X+ sin® x 13 ham s6 chin.

® Voi y=f(x)=cosxsinx. Taco f(-x)=cos(—x).sin(—x)=—cosxsinx

—)f(—x) = —f(x). Suy ra ham sO y =cosxsinx la ham sb 1é.

Trong cac ham so6 sau, ham s6 nao la ham s6 chan?
_ tanx

A. y=sin2x. B. y=Xxcosx. C. y=cosux.cotx. D. y=—=.

sin x
Loi giai

® Xét ham sb y=f(x)=sin2x.

TXD: D=R.Do d6 Vxe D= —xeD.

Taco f(—x)=sin(-2x)=—-sin2x=—f(x) — f(x) 1a ham s6 lé.

® Xéthamsd y=f(x)=xcosx.

TXD: D=R.Do d6 Vxe D= —xeD.

Taco f(—x)=(-x).cos(—x)=—xcosx=—f(x) —> f(x) 1a ham s l¢.

® Xétham s y = f(x)=cosxcotx.
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Cau 72:

Cau 73:

Cau 74:

Cau 75:

TXD: D=R\{kz (k€Z)}. Dod6 VxeD= -xeD.
Tacé f(—x)=cos(—x).cot(—x)=—cosxcotx=—f(x) — f(x) 1a ham s6 I&.

® Xéthamsd y= f(x)=-20%

sin x

oY

TXD: DzR\{k (keZ)}. Do dbé Vxe D= —-xeD.

Taco f(—x)= taim(—x) = —te.mx = tz.mx = f(x) ——)f(x) 12 ham s6 chén.
sin(—x) —sinx sinx

Ham s6 nao sau day la ham so6 1¢?

A. y=2x+cosx. B. y =cos3x. C. y=x’sin(x+3). Q.y=cos3x
x
Loi giai
L A COSX o, o o axe
Xétham so y = f(x)=-——=—. Tap xac dinh D =R\ {0} la tap do6i xung.
x
cos(—x)  cos(x)

X)= = — = — X
IR R LR
Do d6 ham s y = cos3x 1a ham s6 1é.

x

Ménh dé nao duéi day dung?
A. Ham s6 y =cotx 1a ham sb chin. B. Ham s6 y =sinx 1a ham s chan.
C.Ham s y =tanx 1a ham s6 chan. D. Ham s6 y = cosx 1a ham s chén.

Loi gidi
Xét ham sd y=cosx cotap xacdinh D=R.
Véimoi x € D <> —xeD va cosx=cos(—x). Do d6 ham sé y =cosx 1a ham sé chén.

Trong cac khing dinh sau day, khang dinh nao dung?

A.Ham s6 y =sinx 1a ham s6 chan. B. Ham s6 y =cosx 1a ham sb 1¢.
C.Ham sé y =tanx 1a ham s 1¢. D. Ham s6 y = cotx 1a ham s6 chin.
Loi giai

Chon phat biéu ding:

A. Céc ham sé y =sinx, y = cosx, y = cotx déu la ham s6 chn.
B. Cac ham s y=sinx, y=cosx, ¥ =cotx déu 1a ham sb 1é.
C.Cécham 6 y =sinx, y =cotx, y=tanx déula ham s6 chin.
D. Cac ham sé y=sinx, y=cotx, y=tanx déu la ham sd 1é.

Loi giai
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Cau 76:

Cau 77:

Cau 78:

Cau79:

Cau 80:

Ta c6, cadc ham s6 y =sinx, y=cotx, y =tanx la cac ham s0 1¢, ham s6 y = cosx la ham s6

chan.

Ham s6 ndo sau day 13 ham s6 chén ?

A. f(x)=sinx. B. f(x)=sin2x. C. f(x)=]sinx|. D. f(x)=xsinx’.
Loi giai

® Xét ham s6 f(x) =sinx. Tap xac dinh D=R.Véimoi xe D=>-xeD.

f(=x) =sin(—x) = —sinx # f(x). Ham s da cho khong phai ham chén.

® Xét ham s6 f(x) =sin2x. Tap xac dinh D=R.Véimoi xe D= —xeD.

f(—x) =sin(—2x) = —sin 2x # f(x). Ham s6 di cho khong phai ham chén.

© Xét ham s6 f(x) =[sinx|. Tép xéc dinh D=R.Véimoi xe D=-xeD.

f(=x) =|sin(—x)| = |-sin x| =|sin x| = £(x), Vx € D . Ham s6 da cho la ham chén.

© Xét ham s6 f(x) = xsinx?. Tap xdc dinh D=R.Véimoi xe D=>-xeD.

f(=x)=(—x)sin (—x)2 = —xsinx? # f(x). Ham s6 da cho khong phai ham chén.

Ham s nao du6i day 1a ham sb 1¢?

A. y=cosx. B. y =sin® x. C. y=cot’ x. D. y=tanx.
Loi giai

Ham s6 y =tanx 13 ham sé 1é.

Trong cac ham s6 sau, ham s6 nao 1a ham sb chan?

A. y=sin3x. B. y= tang. C. y=sinx.cosx. D. y =sin’ x.cosx.
Loi giai

Ham s6 y = f(x)=sin’ x.cosx 6 tdp xéc dinh D =R, théa mén 2 diéu kién

VxeD=-xeD
{f(—x) = (sin(—x))2 .cos(—x) =sin” x.cosx = f(x)

Nén 12 ham s chin.
Trong cac ham sb sau ddy, ham sé nao 1a ham sé chin?
A. y=tandx. B. y=cos3x. C. y=cot5x. D. y=sin2x.
Loi gidi
Ham sb y=cos3x laham s6 chén do ¢6 tap xacdinh la D=R, Vxe D,—x e D ta co:
cos 3(—x) = cos(—3x) =cos3x.
Ham s6 ndo sau day 13 ham sb chin
A. y=3sin’ x+4sinx. B. y=3sinx+4cosx.
C. y=4cos’x—sinx. D. y=4sin’x—cosx.
Loi giai
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Cau 81:

Cau 82:

Cau 83:

Ham sd y =4sin® x—cosx ¢o tip xac dinh D=R.
Suyra Vxe D, —xeD.

f(x)=4sin’ x—cosx.

f(=x)=4sin’ (—x)—cos(—x) =4sin’ x—cosx = f(x).
Vay suy ra ham sd y = 4sin® x —cosx 13 ham sb chén.

Trong cac ham sb sau, ham s6 nao 1a ham s chin?
A. y=cosx.sin’ x. B. y =sinx.cos2x.
t
C. y=2019cos x+2020. D.y=—1°
tan” x +1
Loi gii
Xétham sd y = f(x)=2019cosx +2020
TXD: D=R.
VxeR=-xeR.

7 (=x) = 2019cos (—x) + 2020 = 2019 cos x + 2020 =  (x).
Két luan: Ham s6 y =2019cos x +2020 14 ham s chan.

Trong cac ham so sau, ham so nao la ham so 1¢?

_ 2cos’ x

A. y=[sinx|+3. B. y C. y=xsinx’. D. y=2cosx—sin2x.

Csinx+2°
Loi giai
Xét cac dap an ta thiy & phuong an C ham sé y =f(x)= xsinx’co

Tap xac dinh D=R théa man:

1) Vxe D=—- xeD.

2) f(—x)z—xsin(—x)2 =—xsinx’=-f(x),VxeD.

Do d6 ham sé y =xsinx” 1a ham s6 1é.

Céac ham s6 & cac dap an con lai khong thoa méin dinh nghia ham sb 1¢.

Trong cac ham so sau, ham s6 nao la ham so6 chan.

A. y=sin[2021x|+c0s 2022x . B. y =cot2021x—2022sinx.
C. y=tan2021x+cot2022x. D. y=2021cosx+2022sinx.
Loi gidi

Xétham y =sin|2021x|+c0s2022x (1) taco

XD D=R. VxeD=-xeD.
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Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

C6 y(—x)=sin|(~2021x)|+ cos(~2022x) = sin|2021x| + cos 2022x = y(x) nén la ham chin.

Co bao nhiéu ham so chan trong cdc ham so sau: y =sin |x

, y=cos3x, y=tan2x va y=cotx
?
A. 1. B. 2. C. 3. D. 4.

Loi giai

Viham s y =sin|x| c6 thp xéc dinh D =R va sin|-x|=sin|x| nén y =sin|x| 1a ham s6 chin,

Viham sd y =cos3x c6 tip xac dinh D=R va cos(3(—x)) = cos(—3x) =cos3x nén

y=cos3x la ham so chan.

Trong cac ham sb sau, ham s6 nao 14 ham s chin?
. 2 .
A.y:|smx|,_ B. y=Xx"smux. C.y= r D. y=x+sinx.
cosx

Loi giai
Ta kiém tra dugc A 1a ham s6 chan, cac dap an B, C, D 1a ham s6 1&.
Trong cac ham s6 sau, ham s6 nao cé do thi doi xing qua tryuc tung?

2 T
A. y =sinxcos2x. E.y=$fX£%(x—5)

C.y—_2nx D. y=cosxsin’ x.
2
tan” x+1
Loi gidi

Ta dé dang kiém tra dugc A, C, D 1a cac ham sb 1¢ nén c¢6 dd thi dbi xtimg qua goc toa do O.

. T . . . L2 ~ \
Xét dap an B, ta c6 y = f(x)=sin’ x.cos(x—zj =sin’ x.sinx =sin* x. Kiém tra duoc day la

ham so6 chan nén c6 d6 thi doi xing qua truc tung.

Trong cac ham so sau, ham so nao la ham so 1¢?
A. y=cosx+sin’ x. B. y=sinx+cosx. C. y=-—cosx. D. y =sinx.cos3x.

Loi giai
Ta kiém tra dugc dép an A va C 1a cac ham s6 chan. Pap 4n B 1a ham s6 khong chan, khong 1¢.
Dap an D 1a ham so6 1é.
Trong cac ham so6 sau, ham s0 nao c6 do thi do1 xung qua goc toa do?
_sinx+1

A. y=cot4x. B. y C. y=tan’ x. D. y= |c0t x|.

cos X
Loi giai

Ta kiém tra duoc dap an A 13 ham sb 1¢ nén c6 d thi ddi ximg qua gbc toa do.

Dép an B 1a ham s6 khong chin, khong 16. Pap an C va D 13 cac ham s6 chén.

Trong cac ham so sau, ham so nao la ham so 1¢?

_ cotx _ tan x

D. y

A. y=sin(£—xj. B. y=sin’ x. C.y . —.
2 COS X sin x
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Loi giai
Viétlaidap an A la y =sin [5— x) = COS X.

Ta kiém tra duoc dap an A, B va D 1a cac ham s6 chin. Pap an C 1a ham s6 1é.

Cau 90: Trong cac ham s6 sau, ham s6 nao 1a ham so 1¢?

A. y=1-sin’x. B. y =|cotx|.sin’ x.

C. y=x"tan2x—cotx. D. y=1+|cotx+ tanx].
Loi giai

Chon C

Ta kiém tra duwoc dép 4n A, B va D 1a cac ham s chan. Dap an C 1a ham s 1¢.

Cau 91: Cho hams6 f'(x)=sin2x va g(x)=tan’x. Chon ménh dé ding

A. f(x) 1aham sé chdn, g(x) lahamsé1é.  B. f(x) lahamsé1¢, g(x) 1a ham s6 chan.

C. f(x) 1aham s chin, g(x) la ham sé chin. D. f(x) va g(x) déu 1a ham sf lé.
Loi giai

Chon B

® Xéthamsd f(x)=sin2x.

TXD: D=R.Dod6 Vxe D= —xeD.

Tacé f(—x)=sin(-2x)=—sin2x=—f(x) —> f(x) laham sé 1.

® Xét ham sb g(x):tan2 X.
TXD: DZR\{%-I-]WZ' (keZ)}. Do dd Vxe D= —-xeD.

Ta co g(—x) = |:tan(—)c):|2 = (—tan x)2 = tan2 X = g(x) ——)f(X) 1a ham Sé chin.

_ |sin 2x| —cos3x

CAu92: Chohai ham sé f(x)=—S22% i g(x) . Ménh d& nao sau day la dang?

1+sin” 3x 2+tan’ x
A. f(x) 16 va g(x) chin. B. f(x) va g(x) chin.
C. f(x) chin, g(x) le. D. f(x) va g(x) L.
Loi giai
e 1 £ cos2x
® X¢ét ham so f(x)zm

TXP: D=R.Dodé VxeD= —-xeD.
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Cau 93:

Cau 94:

Taco f(—x)=

cos(-2x) _ cos2x (x) — £ (x) 1a ham s chin.

" 1+sin’ (-3x) T l+sin’3x

~ |sin 2x| —cos3x

® Xétham sd g(x
g( ) 2 +tan’ x

TXD: D:R\{%+kﬁ (keZ)}.Do d6 VxeD=>—-xeD.

|sin (—2x)| —cos(—3x) B |sin 2x| —cos3x

- —g(x) 1a ham sb chén.
2+ tan® (—x) 2 +tan® x 2(x) g( )

Ta co g(—x) =

Vay f(x) va g(x) chin.

Trong cac ham so6 sau, ham s6 nao c6 do thi dé1 xung qua goc toa do?

A y= I B. y:sin(x+%j. C. y=\/§cos(x—%j.D. y =+/sin2x.

- sin® x

Loi gidi

. ) T 1, .
Viét lai dap an B 1a y:sm(x+—j:— sinx +cosx).
p 4 \/E( )

. T .
VietlaiddpanCla y = \/Ecos(x—zj =SIn x + Cos x.

Kiém tra dugc dap an A 1a ham sb 1& nén c6 d6 thi dbi ximg qua gdc toa do.
Ta kiém tra duoc dap an B va C 13 cac ham s6 khong chin, khong 1¢.

Xét dap an D.

® Ham s6 x4c dinh < sin2x>0& 2xe[k2mr+k2n| < xe |:k7l';%+kﬂ}

——>D =|:k72';%+k7[:| (kelZ).

® Chon x = % e D nhung —x = —% ¢ D. Vay y=+sin2x khong chan, khong 1é.

Ménh dé nao sau day 12 sai?

A. D6 thi ham sé y = |sin x| d6i xtmg qua gbc toa do O.

B. D6 thi ham sé y =cosx ddi ximg qua truc Oy.

C. Db thi ham s6 y = |tan x| d6i xtng qua truc Oy.

D. D) thi ham s6 y =tanx ddi ximg qua gdc toa do O.
Loi giai
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Cau 95:

Cau 96:

Cau 97:

Cau 98:

Ta kiém tra duoc ham sd y= |sin x| 12 ham sb chin nén c6 do thi d6i xtng qua truc Oy . Do d6

dap an A sai.
Trong cac ham sb sau, ham s6 nao 1a ham s chin?
/2 . : /1 . T
A. y=2cos| x+= |+sin (7 —2x). B. y=sin| x—= |+sin| x+= |.
2 4 4
C. y:x/zsin()w%j—sinx. D. y=+/sinx ++/cosx.
Loi giai

Viétlaiddpan A la y = 2cos(x+%j +sin (7 —2x) =—2sinx +sin 2x.
Viétlaidap an Bla y = sin(x—%j+sin(x+%j = 2sinx.cos% =2 sinx.

Viét lai dép an C l1a y=x/zsm(x+zj—smx:smx+cosx—smx:cosx.

Ta kiém tra duoc dap an A va B 1a cac ham s 1é. Pap an C 1a ham sd chin.
Xét dap an D.

sinx>0

® Ham s x4c dinh < { ——D= [k27z;%+k27r} (keZ).

cosx =0
® Chon x=%eD nhung _xz_%gD,VayyZ\/Sinx ++/cos x khong chin, khong 18.

Trong cac ham soO sau, ham so nao la ham so 1¢?

A. y=x4+cos(x—%). B. y=x2°17+cos(x—%).
C. y=2015+cosx+sin”"" x. D. y=tan™" x+sin®"® x.
Loi giai

Vit laidép an B la y = x> + cos(x —%) =y=x"" +sinx.
Ta kiém tra duoc dap an A va D khong chin, khong 1é. Dap an B 1a ham s6 1é. Pap an C 1a ham
sd chén.

Trong cac ham s6 sau sau. Ham s8 nao c6 d6 thi nhan truc tung lam truc débi xung?
A. y=tanx. B. y=sinx. C. y=cotx. D. y=cosx.

Loi giai
Xét ham sb y =cosx.

Tap xac dinh D = R1a tap ddi ximg va COS(—x) =cosxnén y =cosx1a ham s chin.

Ham s6 nao la ham so6 chan trong cac ham s6 sau?
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Cau 99:

Cau 100:

Cau 101:

Cau 102:

Cau 103:

: 2
A. y=sinx.cosx. B. y=tanx. C. y=cotx. D. y=SIn"Xx.coSx.
Loi gidi

\ X 02 , ~ r £, \ R
Ham s6 y =S8In" X.COS X théa man tinh chat ciia ham s6 chan:
y(—x)=sin’(-x).cosx =sin’x.cosx=y(x), VxeR.

Ham s6 ndo sau day 13 ham sb chin?

A. y=sindx. B. y=cos5x. C. y=tan4x. D. y =cot10x.
Loi gii

Ham s6 y = cos 2x¢0 tap xac dinh D=R.

Véimoi xeDtacd —xeDva Cos(—2x) = Cos(2x)nén ham s6 y = cos2x1a ham s6 chan.

Trong cac ham s sau ham s6 nao 12 ham sb chin?

A. y=2cosx. B. y=2tanx. C. y=2sinx. D.y=2COS(x—1).
Loi giai

Ham s6 y=2tanxVa y =2sinx1a ham sd 1é.

Hamsb y = ZCos(x —l)khéng thoa y(—x) = y(x)nén 1a ham sb khong chin.

Ham s6 y = 2 cos x 1a ham s6 chan vi TXD: D=Rva 2cosx = ZCOS(—x).

Ham s0 nao sau day 1a ham s6 chan trén R ?

A. y=x.cos2x. B. y:(x2+1).sinx_ C B COSJZ. D. y= tanxz'
1+x 1+x
Loi gii
Xétham s6 y = f(x)= lcos’g c6 tap xac dinh D =R
+Xx

oVxeD=-xeD

cos(—x) _ cosx
1+(—x)2 1+ x°

eVxeD: f(—x)= =f(x)

Vay ham s6 £ 1a ham chan.
Trong cac ham sb sau, ham sé ndo 14 ham s chin trén R ?
. (7 . V4
A.yzsm(z—xj. B. y=tanx. C. y=sinx. D.y:sm(ergj.
Loi giai
J : T \ \ A < A
Tacod y =sin (5 - xj =cosx1a ham so chan trén R .

Trong cac ham so0 sau, ham s0 nao c6 do thi nhan goc toa d¢ lam tam do1 xung?
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A. y=xsinx. B. y=cosx. C. y=1-sinx. D. y=sinxcosx.
Loi giai

D6 thi nhan gdc toa d6 lam tam dbi xtmg 1a d6 thi cia ham sb 1¢.

A:. Ham s6 y = f(x) = xsinx:

Téap xac dinh: D=R.

Taco: VxeD:—xeDva f(—x)=(—x)sin(—x) = xsinx = f(x).

Do d6 ham sd y = xsin x1a ham s chan.

B:. Ham s6 y =cosx1a ham s chin trén R .

C:. Haimsd y= f(x)=1—sinx:

Ta co: f(%j:();f(—%jzl

Lic do: f(%j;ﬁf(—%)va f(%j;t—f(—%j

Do d6, ham s& y =1—sin x khong phai 12 ham s6 chin va khong phai ham sb 1¢.

D:. Ham s6 yv=f(x)=cosxsinx:

Téap xac dinh: D=R.

Taco: VxeD:—xeDva f(—x)=cos(—x)sin(—x) = —cos xsin x = — £ (x).

Do d6 ham s6 y = £(x) = cos xsin x 1a ham s6 I¢.

Vay d6 thi nhan gdc toa d¢ 1am tam ddi ximg 1a d0 thi ciia ham s& y = £(x) = cos xsin x.

Cau 104: Trong cac ham s6 sau, ham s6 nao la ham s6 chan?

A. y=sin|2022x|+c0s2021x. B. y =2021cosx+2023sin x .
C. y=cot2021x—2022sinx . D. y=tan2021x+cot2022x .
Loi giai

Xét ham s& y = f(x) =sin|2016x|+cos2017x . Tap x4c dinh. D =R..
Véimoi xeD,tacdo —xeD.

Taco f(—x)=sin|-2016x|+cos(—2017x)=sin|2016x|+cos2017x = f(x).
Vay f (x) 12 ham sb chén.

CAau 105: Ham sb nao sau dau c6 dd thi nhan truc tung lam truc dbi xung?
A. y= |sinx]|. B. y=cotx. C. y=tanx. D. y=—sinx.
Loi giai
Vi | sin(—x) |=| sin x | véi moi x e Rnénham sd y = |sin x |12 ham s6 chan, nén d6 thi s& d6i ximg

qua tryc tung.

Cau 106: Trong cac ham so0 sau day, ham so nao 1a ham s6 chan?

A. y=sinx. B. y=x+sinx. C. y=xcosx. D. y:smx.

x
Loi giai

Xét ham s6 y =sin x Tap xac dinh D =Rnén VxeR= -xeR.
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Cau 107:

Cau 108:

y(=x)=sin(-x)=-sinx=—y(x).

= Ham lé.

Xét ham s6 y = x +sin x, tap xac dinh D =R nén:
VxeR=-xeR. y(-x)=(-x)+sin(-x)=—[ x+sin(x)]=-p(x).
= Ham .

Xét ham sé y = xcos x ¢o tip xac dinh D = R nén:
VxeR=-xeR. y(-x)=(-x)cos(-x)=—[xcos(x)]=—y(x).

= Ham 1é.

Xét ham s6 =S¥ tap xac dinh D =R\ {0} nén:
X

sin(—x)

VxeD=-xeD. y(—x): :sinx:y(x):>He‘1mch5n.

—X

Ham s6 nao sau day 13 ham sb chin
A. y=sinx. B. y=tanx. C. y:cot(Zx). D. y:sin|x|,

Loi giai
Tacohamsd y = sin|x|cc’) tap xdc dinh D =R
Vi y(-x)=sin|-x| =sinx = y(x)

Vay ham s6 y =sin|x|1a ham s8 chin.

. . . (S7
Trong Céc hém Sé: y= ZSinx; y = |Slnx-|— 3 ; y =Sin (7—2019)(:) , Cé baO nhiéu hé.m lér)

A. 3. B. 0. C. 1. D. 2.
Loi gidi

*Xét y=2sinx
Tap xéc dinh: D =R.
Véi Vxe D < —xeDva y(-x)=2sin(-x)=-2sinx=—y(x)nén y=2sinxla ham I¢
* Xét y=|sinx+3|
Tap xéc dinh: D =R.
V6i Vxe D < —xe Dva y(—x)=lsin(—x)+3|=|-sinx+3|# —y(x)nén y =|sinx+3|khong

la ham 1¢
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Cau 109:

Cau 110:

Cau 111:

*Xét y= sin(%—ZOl%j = sin(%—ZOl%j =c0s2019x

Tap xac dinh: D=R.

Vi Vxe D < —xeDva y(-x)=cos[2019(-x) | = cos(-2019x) = cos 2019x = y(x) nén

y =sin (57” - 2019xj 1a ham chan.

Cho hai ham s6 f(x) =sin2xva g (x) = cos 3x . Chon ménh d& diing

A. f1aham sé chin va g 1a ham s6 1é. B. fva gla hai ham sb chin.
C. fva glahai ham s6 lé. D. f1aham s 1é va gla ham sb chan.
Loi giai

Tap xé4c dinh ciia hai ham s6 1a: D=R.
Tacod: f(—x)=sin(-2x)=—-sin2x=—f(x)= f laham s l&.
g(—x)=cos(-3x)=cos3x = g(x) = glaham s chén.

Trong cac ham s6 sau cd bao nhi€u ham s6 1a ham s6 chan trén tap xac dinh ctia n6?

2018

y=tan2x, y=sin®"x, y=cos(x+37), y=|cotx]|.

A 2. B. 4. C.3. D. 1.
Loi giai

Ham s6 y = tan2xco
Tap xac dinh: D = R\{%Hc%,k = Z}.

Tacd: Vxe D= -xeDva f(-x)=tan(-2x)=—tan2x=—f(x).
Vay ham s6 y = tan 2x 12 ham s 1¢.

Ham s6 y = cos(x +37) =—cosx 1a ham s6 chén.

Tuong ty, kiém tra dugc cac ham s6 y =sin™"* x; y =|cotx|1a cac ham s6 chin trén tap xac
dinh cua no.

Trong cac ham s6 sau, ham s6 nao c6 do thi doi xung qua goc toa do?

_sinx+1

A. y=cot4x. B. y C. y=tan’x. D. y:|c0tx|.

cos x
Loi gidi
Do thi ham sb 16 nhan géc toa d6 lam tam doi xung.

Trong cac ham so trén, chi c6 ham sd y = cot4x la ham so 1¢.

Vay, ham s6 nao co do thi d6i xung qua géc toadola y=cotdx.
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Cau 112:

Cau 113:

Cau 114:

Trong cac ham s6 sau, ham s6 nao cé do thi doi xing qua tryc tung?
. . 3 V4
A. y=sinx.cos2x. B. y=sin” x.cos X_E .

tan x .
C.y=—3—. D. y=cosx.sin’ x.
tan” x +1

Loi giai
Xétham sb y = f(x) =sin’ x.cos(x—%j:sin“xcé tap x4c dinh D =R
e VxeD=—-xeD.

e VxeD: f(~x)=(sin(~x)) =sin*x = f(x)

Vay ham ) f1a ham s6 chin = P06 thi ctia ham s nhan truc tung lam truc ddi xung.

Cho ham s f(x) =sin2xva g (x) = tan’ x . Chon ménh d¢ ding?

A. f(x) 1a ham s6 chén, g(x) 1a ham sb 1é.

B. f(x)laham s 1¢, g(x)1a ham so chin.

C. f(x)la ham s chin, g( )13‘1 ham s6 chan.
(x)va

D. f(x)va g(x)déulaham sb 1&.
Loi gidi
Hamsd f(x)c6 TXD1a D=R = VxeD thi -xeD.

VxeD: f(-x)=sin(-2x)=—sin2x=—f(x) = hamsé f(x)la ham s l¢.
Ham s6 g(x)c6 TXD la D:R\{%+kﬁ,ke2} =VxeD thi -xeD.

VxeD:g(-x)=tan’(-x)=tan’ x = g(x) = ham sé g(x)la ham s6 chin.

Trong cac ham sd: y = 2sinx; y = y =sin (57” - 2021x) , €0 bao nhi€u ham 1&?

A. 3. B. 0. C. 1. D. 2.
Loi giai

* Xét y=2sinx

Tap xéc dinh: D=R.

V6i VxeD< —xeDva y(—x):ZSin(—x):—2sinx:—y(x)nén y=2sinxla ham 1¢
* Xét y=[sinx+3|

Tap xéc dinh: D=R.
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Véi Vxe D < -xeDva y(—x)=|sin(—x)+3|=|—sinx+3|¢—y(x)nén y = |sinx +3|khong 1a

ham 1¢

* Xét y:sin(%z—2019xj:sin(%—2019xj:cos2019x

Tap xac dinh: D=R.

V6i VxeD< —xeDva y(—x):cos[2019(—x)]:cos(—2019x)=0052019x:y(x)nén

y=sin (57” -201 9xj 1a ham chin.
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| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 3: HAM SO LUQNG GIAC VA PO THI

@ HE THONG BAI TAP TRAC NGHIEM

Cau 115:

Cau 116:

Cau 117:

Cau 118:

DANG 3. TAP GIA TRI - GIA TRI LON NHAT - GIA TRI NHO NHAT
Tap gié tri ciia ham s6 y =sin2x la:
A [-2;2]. B. [0;2]. C. [-11]. D. [0;1].

Taco —1<sin2x<1,VxeR.

Vay tap gia tri cia ham sb da cho 1a [—1; 1] .

Gi4 tri 16n nhat ctia ham s6 y =sin2x bang

A. 2. B. 0. C. 1. D. -1.
Loi giai

Tacd —1<sin2x<1 VxeR.

sin2x =1 <:>2x=%+k27[<:>x=%+k7[ (kel).

Vay gid tri 16n nhét cia ham sé y =sin2x bang 1 khi x :%-i-kﬂ'(k eZ).

Tap gia trj ciia ham sb y=sinx la
A T=[-11]. B. T=(-1;1). C.T=[-10]. D. T=[0;1].
Loi giai

Duya vao tinh chat ham s6 y =sinx.

Gia tri 16n nhat cua ham s y =3sinx trén tap xac dinh R 1a?
A. 1. B. 2. C. 3. D. 3.
Loi giai

Ham s6 y =sinx c6 tap gid trj 1a [-1;1]. Do d6 -3<3sinx<3, VxeR.
Vay gia tr1 16n nhat cia ham sb y=3sinx trén tdp xac dinh R 1a 3, xay ra khi

) T
sinx=1<x=—+k2rx.

Page 1
Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 119: Gi4 tri nho nhit ciia ham sé y =cosx 1a
A. 1. B. 0. C. -1. D. 2.

Loi giai
Tacd: —1<cosx<1,VxeR nén gia tri nho nhit cia ham s§ y=cosx 1a —1 khi x=7+k27.

Cau 120: Gi4 tri 16n nhat cia ham s6 y =2+/sinx+1-3 1a

A 243+2. B. 243-2. C. 243-3. D. 342.
Loi giai

Vi —1<sinx <1 < 0<sinx+1<2 < 0<Jsinx+1<v2 © 0<2sinx+1<22
o -3<y<2/2-3.

Vay max y = 2+/2 =3 khi sinlecx:%+k2ﬂ (keZ).

Cau 121: Gia tri 16n nhat va gia trj nh6 nhat ctia ham s y = 3sin [x +3T7T] —1 lan luot la:
A. 4;,-2. B. 2;—4. C. 1;-1. D. 3;-3.
Loi giai
Tap xac dinh: D=R.
, . R4 . R4 . kY4
+) VxeR tacod: —1<sin x+T <1<« -3 <3sin x+T <3 << —4<3sin x+T -1<2

=-4<y<L2.

Vay gia tri 16n nhat ctia ham sé y = 3sin

et a0 khi x=_Z.
4 4

Gia tri nho nhat cua ham s6 y = 3sin

x+3—7r]—1 la —4 khi x:S—E.
4 4

CAu 122: Gi4 tri nho nhét va gia tri 1on nhat ctia ham sb y=c0s6x+5 lan luot 1a
A.4vab. B. 0 va 4. C. -1vall. D. 6 va 4.
Loi giai

Tacd: —1<cos6x<1<=4<cosb6x+556=4<y<6.

Céu 123: Tim gia tri 16n nhét va gia tri nhé nhat cia ham sd y =8sin2x—35.

A. max y=11; miny=-21. B. max y=8; miny=-8.
C. max y=—4; miny=-6. D. max y=3; miny=-13.
Loi giai

Taco —1<sin2x<1< -8<8sin2x <8< —-13<8sin2x—-5<3
Vay max y=3;min y =—13

Céu 124: Goi M 1a gia tri 16n nhat, m 1a gia tri nho nhat cia ham sd y =4sinxcosx+1. Tinh M +m
A. 2. B. 4. C.3. D. 1.
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Loi giai
Taco y=2sin2x+1.
Do —1<sin2x<1=-2<2sin2x<2=>-1<2sin2x+1<3.

= -1<y<3.

* y=—1<:>sin2x=—l<:>2x=—%+k27z<:>x=_%+k;;_

* y=3<:>sin2x=1<:>x=%+k7r.

Vay gia tri 16n nhat ciia ham sb bang M =3, gia tri nho nhat bang m =—1.
Suyra: M+m=2.
Céu 125: Tap gia tri cia ham s y =3sin3x+2 1a
A.R. B. (0; +0). C. [-L5]. D. [-7;11].
Loi giai
Téap xac dinh: D=R
VxeR,taco: —1<sin3x <1< -1<3sindx+2<5< -1<y<5< ye[-1;5]
Cau 126: Gi4 tri 16n nhat va nho nhét cia ham sb y =3sin2x—35 lan luot la:
A. §;2. B. -2;-8. C. 2;-5. D. 3;-5.
Loi giai
Tacd: —1<sin2x<1 < -3<3s8in2x<3 < —8<3sin2x—5<-2
Vay gia tri 16n nhat va nho nhit ciia ham s 1an luot 1a —2 va 8.
Céu 127: Gia tri 16n nhat va nho nhat ctia ham s6 1a y =2 —sinx 1a
A.1va 3. B. 4 va —4. C.2va4. D.3val.
Loi giai

Taco —-1<-sinx<1<1<2-sinx<3<1<y<3.

Suy ra, Max y = 3khi sinx=—1<:>x=—%+k27r,keZ.

Min y =1 khi sinx = 1<:>x:%+k27r,keZ.

Cau 128: Goi M,m lan luot 1a gia tri 16n nhit va gia tri nho nhat ciia ham sd y = 6cos2x—7 trén doan

{—z;z} . Tinh M +m
A. —14. B. 3. C. —11, D. —10.
Loi gidi
Ta co: —%ng% @—%Sbcé% @—%Scos2x£l<:>—10£6cos2x—7S—l.
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Cau 129:

Cau 130:

Cau 131:

Cau 132:

Cau 133:

Suyra M =-1,m=-10. Vay M +m=—-11.

Tap gia tri ciia ham s6 y =sin4x—3 la:

A [4-2]. B. [-3:1]. C. [-2:2]. D. [-4;2].
Loi giai

Do —1<sin4x<1, VxeR nén -4<sin4x-3<-2, VxeR.

Vay tap gia trj ciia ham s 1a [-4;-2].

Tim gia tri 1én nhat, gia tri nhé nhat ctia ham s6 y = 2sin” x + 3sin 2x —4cos” x.

A. miny=—3\/§—l; maxy=3\/§+1. B. miny=—3\/§—2; maxy=3\/§—l.
C. miny=—3\/§; maxy=3x/§—1. D. miny=—3\/§—l; maxy=3\/5—l.
Loi giai

Tacod: y=1-cos2x+3sin2x—2(1+cos2x) :3sin2x—30052x—1=3\/5sin(2x—%j—l-

= 3/2-1<y<3/2-1 VxeR.

Vay min y =—3\/§—l; max y =3J2-1.

Tap gia tri cia ham s6 y =sin4x—3 la:

A. [-4-2]. B. [-31]. C. [-22]. D. [4;2].
Loi giai

Do —1<sin4x<1, VxR nén 4<sin4x—-3<-2, VxeR.

Vay tap gia tri ctia ham sd 1a [-4;-2].

Tim gié tri 16n nhét, gi4 tri nho nhét ciia ham s6 y = 3sinx +4cosx —1.

A. maxy=4,miny =—6. B. maxy =8,miny=-6.
C. maxy=6,miny = —4. D. maxy=6,miny =-8.
Loi gidi

Tacd: y=35 gsin)cjticosx —1=SSin(x+a)—1.
5 5

Trong d6 a théa man cosa =%, sina =§
Khi d6, do ~1<sin(x+a)<1,nén -6<5sin(x+a)-1<4<-6<y<4.

Viy maxy=4,miny =-6.

Tim gia tri 16n nhét, gia tri nho nhét ciia ham s6 y=2cos’ x— 2\/§ sinx.cosx+1.

A. miny:—1+\/§;maxy:3+\/§. B. min y=0;max y=4.
C. miny=-4;maxy=0. D. minyzl—\/g;maxy:3+\/§.
Loi giai
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Cau 134:

Cau 135:

y=20052x—2x/§sinx.cosx+1:cos2x—\/§sin2x+2:2sin(%—2xj+2

Ta c6: O£2sin(%—2xj+2£4<:>0£y£4

min y =0 khi sin T _ox :—1<:>£—2x:—£+k27r<:>x=£—k7r,keZ;
6 6 2 3

max y =4 khi sin(%—2xj:1<:>%—2x=%+k2ﬂ<:>x=—%—k7r,keZ.

Vay miny =0;max y =4.

L . Vs
Tap giatri T ciahamso y = COS(ZX +§j —cos2x 1a

A T=[-33].  B.T=[-V22]. ¢ r=[-11]. D. 7=[-22].

Loi giai

Tacd y= cos(2x+§j—c052x = —2sin(2x+%j.sin%: —sin(2x+%j_ Do do T =[-1L1].

Téng gia tri 16n nhat va gid tri nho nhét ciia ham s6 y = 2sin’® x —2sin* x—2sin 2x+1 1a
A. 4. B.2. c -2 D. 3.
2 2
Loi gii

y=2sin’ x—2sin* x —2sin 2x +1.
:2sin2x(l—sin2 x)—2sin2x+1
=2sin’ x.cos’ x—2sin2x+1

=2
= Slnzzx—Zsin2x+l

2
D3t ¢ = sin2x, (—1St£1):>y=%—2t+l.

2
Xét ham sb: y :%— 2t+1, (-1<1<1) co d6 thi 1a mot phan cua Parabol, dinh 1(2;-1).

Ta c6 bang bién thién sau:
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14 —

[a—

1

NSRS

A 1 7 .
Vay mlny:—E;maxy:E:mmy+maxy:3.

Céu 136: Goi M , m lan luot 13 gia tri 16n nht, gia tri nho nhat cua ham sd y=cos2x+4cosx+1.Khi
d6 M —m bang
A. 2. B. 8. C. 4. D. -8.
Loi giai

Tacé: y=cos2x+4cosx+1 =2cos’ x—1+4cosx+1 :2(cos2x+2cosx)
:2(cosx+1)2—2

—1Scosx£1<:>OScosx+ls2:>OS(cosx+l)2 S4<:>0S2(cosx+l)2 <8

& -2<2(cosx+1)" -2<6
Suyra: M =6;m=-2nén M —m=38
Céu 137: Gia tri 16n nhat ctia ham s6 y = cos’x +sinx+9 trén doan [0;7] bang
AL B. 10. c. 2 p. >
4 2 4
Loi gidi
Tacd y=cos’x+sinx+9 < y=1-sin’x+sinx+9 < y=—sin’x+sinx+10.

bat 7 =sinx, khi d6 v6i Vx e[0;7] =1 €[0;1].

Xéthamsé f(¢)=—"+t+10,  €[0;1], d0 thi ham s6 1a Parabol ¢6 toa d¢ dinh 1&;%}.

Ta c6 bang bién thién ctia ham s6 trén [0;1].

f — 0 ; 1 par
41
7(1) /‘ r \
10 . 10
Vay maxy:maxf(t):ﬂ
7 o] [0:1] 4
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Cau 138: Goi m 14 gia tri nho nhét ctia ham s6 y = 4cos2x—1 trén doan [—% %} Tim m.

A. 5. B. 3. C. 1. D. 3.
Loi giai
Ta co: —zgxgﬁc—z—ﬂ£2 Z<::>—l<cos2x<1<::> —3<4cos2x—-1<3.
3 6 3 3 2
Vay m=-3.

Cau 139: Tim gia tri 16n nhit ciia ham sd y =sin® x — cosx + 2
13 7
A. 3. B. —. C. —. D. 1.
4 4
Loi giai
Tacod: y=sin’x—cosx+2=—cos’ x—cosx+3
bat t=cosx, te[-1;1]. Khido y= f(t)=-1>—1+3.

Bang bién thién ham s6 f(¢) trén [-1;1]:

| T T~

. . 13 1 2
Vay gid tri 16n nhat cia ham so6 da cho la 1 khi cosx = -3 S x= iTﬂ +k2r.

Cau 140: Tim gia tri 16n nhét, gia tri nho nhét cia ham s6 y = 2cos’ x —sin x +3.

41
A. min 4; maxy=—. B. min 2; max 4.
R i R BRI+ R
41 41
C. min y =——; max 2. D. min 2; maxy=—.
BRI i el i A e

Loi giai
Tacd y=2cos’ x—sinx+3<> y=2-2sin’ x—sinx+3 <> y =-2sin’ x —sinx +5
bat ¢t =sinx, PK: r e[-1;1], khi d6 ham s6 co dang y=-2>—t+5, véi te[-11]

Taco —=— - 1 — bang bién thién sau
2a 2.(-2) 4
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Cau 141:

Cau 142:

t

y=-2t"—1+5

Tir bang bién thién suy ra r[nli_lr]ly:2<:>sinx:1 va r[nlal)](yzg(:)sinxzf

Goi M,m 1an luot 12 gi4 tri 16n nhét, gia tri nho nhat ctia ham sé y = sin 2021x +/3c0s2021x .
Tich M.m bang
A. 4. B. 2. C. 9. D. -1.
Loi giai
Ta co

32 = (sin 2021x + ﬁcoszozlx) < (12 3 )(sin2 2021x + cos’ 2021x)

=)' <4 -2<y<2
>mny=-2=mmaxy=2=M = Mm=-4

GoiM va m lan lugt 1a gia tri 16n nhét va gia tri nho nhit cia ham s6 y =2cos” x+5sinx+1

trén [%,5%} Khi 6 M —m bang bao nhiéu?

A M-m=1. B.M-m=11. CM-m=—. D.M-m=6.

[\

Loi giai
Ta co y=200$2x+SSinx+l=2(l—sin2 x)+5sinx+1=—2sin2x+55inx+3 Ta duoc

y=-2sin’ x+5sinx+3.

Pat £ =sinx. Véi L<x<F taco L<r<l.
3 6 2

Khidotaco y=f(t)=-21"+5+3, %931.

Ta c6 bang bién thién:

t 1
2

f(1) /// 6
5

Tir bang bién thién ta co:

Gié tri 16n nhét ctia ham s da cho trén E%’”} la M =6 khi t=1 hay x= %
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Gia tri nho nhét cua ham sb da cho trén {%,%ﬂ la m=5 khi ¢ =% hay x = 5?”

Vay M —-m=1.
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ LY THUYET.

I. KHAI NIEM PHUONG TRINH TUONG PUONG

o

Hai phuong trinh (ciing 4n) dugc goi 12 rong dutong néu chiing ¢6 ciing tap nghiém.

E.;r

~ Néu thuc hién cdc phép bién ddi sau day trén mot phuong trinh ma khong 1am
thay doi diéu kién ctia né thi ta dugc mot phuong trinh méi tuong duong.
a) Cong hay trif hai v€ véi cing mdt s6 hodic cing mdt biéu thdc;
b) Nhan hodc chia hai vé& véi ciing mdt s6 khac 0 hodc véi ciing mot bicu thic
ludn c6 gid tri khic 0.

I1. PHUONG TRINH sinx =m (1).
+ Truong hop |m| >1, phuong trinh v6 nghiém.

T
==

+ Truong hop |m| <1, ton tai duy nhit mot sé o e [ 2} théa man sina =m. Ta co

. . x=a+k2r
sinx =sina < (keZ).
x=rwm—-a+k2n
Vs Vs
£ A e~ TTSas— Y : .
Neéu s0 thuc OL thoa man: 2 2 thita viét o =arcsinm . Ta cd
sina=m
. x=arcsinm+k2rx
sinx=m & _ (keZ).
x=m—arcsinm+k2x

Chu y:

+ Mot sb truong hop dac biét
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sinx=0< x=kz,(keZ)
sinx =1 x=2+k27,(k Z)

sinx=—-1< x=—%+k27z,(keZ)

x = B°+k.360°

+ Phuong trinh sin x =sin g° < (keZ).
x =180°— 4°+k.360°

Trong mot cong thirc vé nghiém cua phuong trinh luong giac, khong duoc dung ddng thoi hai
don vi d6 va radian.

I1I. PHUONG TRINH COSX = (1)

+ Truong hop |m| >1 phuong trinh v6 nghiém.
+ Truong hop |m| <1, khi d6: Tén tai duy nhat mot s thue a € [—g,g} sao cho cosa=m.

Ta c6

x=a+k2x

cosx=cosa<:>[ ,(keZ).

x=—a+k2rx

0<asnrm

CoOSa =a

.Néu s6 thuc o thdéa man: { thi ta viet o = arccosa . Ta co:

cosx=a < x=zFarccosa+k2r, (keZ).
Chi y:
+ Mot s truong hop dic biét
cosx=0 < x:£+k7r;(k EZ)
cosx=1 @x=k27z;(keZ)

cosx:—1<:>x:(2k+1)7z;(k€Z)

x=f°+k.360°

+ Phuong trinh cosx =cos ° < ,(kelZ).
s p [x:—ﬂ°+k.360° (kez)

Trong mot cong thic nghiém vé nghiém cta phuong trinh luong giac, khong duoc dung dong
thot hai don vi d0 va radian.
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IV. PHUONG TRINH tanx =m (1) VA cotx=m (2).

@ LY THUYET.

tanx =m(1) cotx =m(2)

DPidu kién X¢§+kn véi keZ x#kn voi keZ
Téng quat Tdn tai mot s6 o sao cho m = tan Tbdn tai mot s6 o sao cho m = cota

(1) tanx =tana < x =a+kn (keZ) (2) < cotx =cota < x =a+kn (keZ)

tanx:0<:>x:k7z;(keZ) cotx:0<:>x:%+k7r;(keZ)
ChayI: tanx:1<:>xzz+k7r,(keZ) cotx =1 x="+km;(keZ)
Dac biét: 4

7T .

tanx:—1<:>x=—z+k7z,(keZ) cotx:—1<:>x:—%+k7r;(keZ)
Chuy2: T 3 S6 th hoa min: O<a<m x

S6 thyc o thoa man: 2 2 ta viét 0 thye o thoa man: cota =m ta vict

tana =m a = arccotm .

o =arctanm . (2) < x=arccotm +kr,k € Z

(1) & x=arctanm+kr,k € Z
Chuy 3: tanx = tan B° <> x =p°+k.180° (keZ) cotx =cotB° < x =B°+k.180° (keZ)

Chii ¥ 4 : Trong mot cong thirc nghiém vé phuong trinh luong giac, khéng duoc dung dong thoi

hai don vi d6 va radian.

@ HE THONG BAI TAP TU LUAN.

DANG 1: PHUONG TRINH sinx = m

Cau 1:

Gidi cac phuong trinh sau
3

a. sinx=——— b. sinx:l-
2 4
d. sinx=1. €. in3x=—i.
3
) 3
g Sin3x=l. h. sin £+£ :—i.
2 2 3 2

-

] sin{sin(x+§ﬂ =0.

c. sin(x—60°).

£ sin(2019x +2020) =2,

i. 2sin(3x+1)=1.

i V4 ) T
.sin| 2x+— |=sin| x——|.
( 2) ( 3j

Swu tdm va bién soan
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L. sin23x=%- m. sin2x—cosx=0.

) ) ) s
n. sin3x+sinx=0. 0. SInx+cos 2x+? =0.

Cau 2: Tim nghiém cua phuong trinh sin x = _% trén khoang (0;7[) .

Cau3: Tim nghiém cta phuong trinh 2sin(x+40°) = J3 trén khoang (—180°180°).

Ciu 4: Tim nghiém cta phuong trinh > 3x

=0 trén doan [272;47[].
cosx+1

DANG 2: PHUONG TRINH c0sx =m (1).

Cau 5: @Gidi cac phuong trinh sau

a. cos(3x—£]=—£. b. cos(x—z)zg.
6 2 5

C. cos(2x+50°):% .d. (1+2cosx)(3—cosx)=0.

e. cos(?)x—%j:l. f. 2cosx=-1.

g 2019.c0s(x+30°)=2020. h. cos(3x+10°)=~1.

i. sin3x—cos2x=0.]. Cos(cos(x+2)):1.

Cau 6:  Phuong trinh 2 Cos(x + gj =1 ¢6 bao nhiéu nghiém thoa man 0< x<2mn?

DANG 3. PHUONG TRINH tanx =m (1) VA cotx=m (2).

Cau 7:  @Gidi cac phuong trinh sau
a. tan2x=tar1&. b. tanizx/g.
7 2
3
3

c. tan(3x—30°) =——

d. tan’x=1.

e. tan2x=0. f. cot(4x—%j:\/§,

g. cot=—11 cot=+1|=0, h. tan| = —x |+ 2tan| x+= |=1.
2 2 2 2

i. tan(x—30°).cos(2x—150)=0. ;. (3tanx+\/§)(2sinx—l):0.

k. tanx.tan2x =-1. . tan4x.cot2x=1.
m. sin2x.cotx=0.
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4 “ A ” N A 3 Tc
Cau 8: Tim sO nghi¢m cia phuong trinh tan x = tanzl'—flc trén khoang (Z;Zn).

<‘> BAI TAP TU LUAN TONG HOP.

Cau 9:  Gidi phuong trinh tan (x + %} =3

B

Cau 10: Giai phuong trinh tan(3x—30")= s
- 7r T
Cau 11: Gidi phuong trinh tan [Qx + gj + tan (g - xj =0

s T T
Cau 12: Gidi phuong trinh tan(x _Ej —cot (5 + xj =0

T _
Cau 13: Giai phuong trinh 3—\/§tan(2x—§j =0 v6i Tﬁ<x <2?7T

s T s
Cau 14: Gidi phuong trinh tan [g + xj +tan (E + 2x] =0.

U X X
Cau 15: Giai phuong trinh (cotg—lj(cot5+ 1) =0(1)
Céu 16: Giai phuong trinh tan (x—30")cos(2x~150")=0 (1)
Cau 17:  Giai phuong trinh (3tanx+x/§ )(2sinx—1):0(l).
Cau 18: Giai phuong trinh cos2x cot [x—%] =0 (1)

1 1 ) T ..
+——=+/2sin| x+— | (¥) (CD CNTP khbi A_2007)
COSX SsIinx 4

Cau 19:

Cau 20: sin2x+2cosx—sinx—1 _ 0 (PH D-2011)
tanx+\/§

Cau21: L 2simx)cosx =3 (*) (PH A-2009)
M (14 2sinx)(1—sin x) ”
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ LY THUYET.

I. KHAI NIEM PHUONG TRINH TUONG PUONG

o

Hai phuong trinh (ciing 4n) dugc goi 12 rong dutong néu chiing ¢6 ciing tap nghiém.

E.;r

~ Néu thuc hién cdc phép bién ddi sau day trén mot phuong trinh ma khong 1am
thay doi diéu kién ctia né thi ta dugc mot phuong trinh méi tuong duong.
a) Cong hay trif hai v€ véi cing mdt s6 hodic cing mdt biéu thdc;
b) Nhan hodc chia hai vé& véi ciing mdt s6 khac 0 hodc véi ciing mot bicu thic
ludn c6 gid tri khic 0.

I1. PHUONG TRINH sinx =m (1).
+ Truong hop |m| >1, phuong trinh v6 nghiém.

T
==

+ Truong hop |m| <1, ton tai duy nhit mot sé o e [ 2} théa man sina =m. Ta co

. . x=a+k2r
sinx =sina < (keZ).
x=rwm—-a+k2n
Vs Vs
£ A e~ TTSas— Y : .
Neéu s0 thuc OL thoa man: 2 2 thita viét o =arcsinm . Ta cd
sina=m
. x=arcsinm+k2rx
sinx=m & _ (keZ).
x=m—arcsinm+k2x

Chu y:

+ Mot sb truong hop dac biét
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sinx=0< x=kz,(keZ)
sinx =1 x=2+k27,(k Z)

sinx=—-1< x=—%+k27z,(keZ)

x = B°+k.360°

+ Phuong trinh sin x =sin g° < (keZ).
x =180°— 4°+k.360°

Trong mot cong thirc vé nghiém cua phuong trinh luong giac, khong duoc dung ddng thoi hai
don vi d6 va radian.

I1I. PHUONG TRINH COSX = (1)

+ Truong hop |m| >1 phuong trinh v6 nghiém.
+ Truong hop |m| <1, khi d6: Tén tai duy nhat mot s thue a € [—g,g} sao cho cosa=m.

Ta c6

x=a+k2x

cosx=cosa<:>[ ,(keZ).

x=—a+k2rx

0<asnrm

CoOSa =a

.Néu s6 thuc o thdéa man: { thi ta viet o = arccosa . Ta co:

cosx=a < x=zFarccosa+k2r, (keZ).
Chi y:
+ Mot s truong hop dic biét
cosx=0 < x:£+k7r;(k EZ)
cosx=1 @x=k27z;(keZ)

cosx:—1<:>x:(2k+1)7z;(k€Z)

x=f°+k.360°

+ Phuong trinh cosx =cos ° < ,(kelZ).
s p [x:—ﬂ°+k.360° (kez)

Trong mot cong thic nghiém vé nghiém cta phuong trinh luong giac, khong duoc dung dong
thot hai don vi d0 va radian.
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IV. PHUONG TRINH tanx =m (1) VA cotx=m (2).

@ LY THUYET.

tanx =m(1) cotx =m(2)

DPidu kién X¢§+kn véi keZ x#kn voi keZ
Téng quat Tdn tai mot s6 o sao cho m = tan Tbdn tai mot s6 o sao cho m = cota

(1) tanx =tana < x =a+kn (keZ) (2) < cotx =cota < x =a+kn (keZ)

tanx:0<:>x:k7z;(keZ) cotx:0<:>x:%+k7r;(keZ)
ChayI: tanx:1<:>xzz+k7r,(keZ) cotx =1 x="+km;(keZ)
Dac biét: 4

7T .

tanx:—1<:>x=—z+k7z,(keZ) cotx:—1<:>x:—%+k7r;(keZ)
Chuy2: T 3 S6 th hoa min: O<a<m x

S6 thyc o thoa man: 2 2 ta viét 0 thye o thoa man: cota =m ta vict

tana =m a = arccotm .

o =arctanm . (2) < x=arccotm +kr,k € Z

(1) & x=arctanm+kr,k € Z
Chuy 3: tanx = tan B° <> x =p°+k.180° (keZ) cotx =cotB° < x =B°+k.180° (keZ)

Chii ¥ 4 : Trong mot cong thirc nghiém vé phuong trinh luong giac, khéng duoc dung dong thoi

hai don vi d6 va radian.

@ HE THONG BAI TAP TU LUAN.

DANG 1: PHUONG TRINH sinx = m

Cau 1:

Gidi cac phuong trinh sau
3

a. sinx=——— b. sinx:l-
2 4
d. sinx=1. €. in3x=—i.
3
) 3
g Sin3x=l. h. sin £+£ :—i.
2 2 3 2

-

] sin{sin(x+§ﬂ =0.

c. sin(x—60°).

£ sin(2019x +2020) =2,

i. 2sin(3x+1)=1.

i V4 ) T
.sin| 2x+— |=sin| x——|.
( 2) ( 3j

Swu tdm va bién soan
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1. sin? 3x=%. m. sin2x—cosx=0.
) ) ) s
n. sin3x+sinx=0. 0. smx+cos(2x+?j:0,
Loi giai

x:—£+k27r

a. sinx:——3c>sinx:sin LI DA (keZ).
2 3 A7
xX=—+k27x
3
(1
. X = arcsin (Zj +k27
b. sinx=Z<:> (keZ).

(1
X =7 —arc s1n(zj+k2fr

C. sin(x— 60°) = % = sin(x—60°) =sin 30°

x—60°=30°+£k360° x =90°+£k360°
o (keZ)s (keZ).
x—60°=150°+k360° x=210°+k360°

d. sinx=1<:>x=%+k27r(keZ).

e. Taco sin3xe[-1;1] = sin3x = —% vO nghiém.

f. Ta co: Sin(2019x+ 2020) € [—1;1] = sin(2019x+ 2020) =2 vo6 nghiém

| 3x=2+k2r lel Lo
g. Sin 3x = — <> sin 3x = sin - < 8 3 (keZ).
2 6 hY/4 Sz k2«
3Ax="+k2x X=—+—
6 18 3
X T
—+—=——+k2x
h. sin| 2+Z% =—£<:>sin 2P osin| - E | 2 3 (keZ)
2 2 2 x 7 4r
—t+—=—+k2r7
2 3
Ez_z_ﬂ-’-kzﬂ x——4—7[+k47r
NERE (keZ)e (kez)
§=7r+k27r x=2rw+kdr

s
| - 3x+1=—+k2x
L. 2sin(3x+l):1<:>sin(3x+l):5<:>sin(3x+1):sin—<:> s (keZ).
3x+1=?ﬁ+k27r
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3x=2-1+k2n le—l K2z
= 56 (keZ)e ;8 ?; k; (keZ).

3x=2L _1+k2x x=2F__ F%

6 18 3 3

] sin{sin[)ht%ﬂ =0 sin(er%j:kﬂ(k eZ).

Vi sin(x—k%je[—l;l] vikeZ néntacod k=0.

:sin£x+%j=0<:>x+%=k7r(keZ)<:>x=—%+k7r(kEZ).

. T . Vs
k. Ta co sm(2x +—j = sm[x ——)
2 3

2x+—=x——+k217 x———”+k27z'
= kel
< [ 7Z'j (kEZ) St k2rx ( < )
2x+—=m—| x—— |+ k27 =—+—
3 18 3
sin3x=—
1. Ta cO sin? 3x=§ =
4 ) 3
sin3x=——
2
i T i s 27
3x=—+k2n Xx=—+k—
3 9 3
3x=2—ﬂ+k27r x:2—ﬂ+k2—”
o 3 (kezZ)e| ° 23’ (kez)
3x:—£+k27z x=—£+k—ﬂ
3 9 3
3x:4—7[+k27r x=4—7[+k2—7[
L 3 L 9 3

m. Tacd sin2x—cosx =0 < sin2x=cosx

) . (7
& sin2x = sm(z—xj

2x=" _x+k2x x=£+k2—”
o 2 (keZ) < 6 3 (keZ).
2x:%+x+k2ﬂ' x=£+k27r

n. Tacod sin3x+sinx=0

< sin3x=—sinx < sin3x = sin(—x)
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= 3x=-xt+hkan (keZ) = ok keZ)ex=kZ(keZ

€ =

3x=r+x+k2x Vi1 ( < ) x 2( < )
xX=—+kr

0. Taco sinx+ cos(2x+%] =0

) /4 ) . T
& sinx = —cos(2x+§) & sinx = sm(2x—gj

x=2x-24+k2x x=Z_korx
= (keZ) o j , (kez).
x:—ﬂ—2x+k27z x:—ﬂ+k—7z

6 18 3

Cau 2: Tim nghi¢m cua phuong trinh sin x = —% trén khoang (O;ir) .

Loi giai
| x:—£+k27z
Tacod sinx=——< (keZ).
2 T
x:?—szﬂ'

Theo dé bai:

0<—£+k27z<ﬂ<:>i<k<12:>kh6ngt(‘3ntai k.
O<7—”+k27r<7z<:>—l<k<—%:>kh6ngt6ntai k.

Vay phuong trinh da cho v6 nghiém.

Tim nghiém cta phuong trinh 2sin (x + 40°) =3 trén khoang (—1800; 1 800) ,
Loi giai

Cau 3:

Ta co

2sin(x+40°) =3 @sin(x+40°):§

x+40°=60°+£360° x =20°+£k360°
& (keZ) o (keZ)
x+40°=120°+£360° x =80°+k360°

Theo dé bai:
5 4
—180°<20°+k360°<180°<:>—§<k<§:>k:O.

—180°<80°+k360°<180°<:>—%<k<%:>k=0-
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Vay phuong trinh c6 hai nghiém x =20° va x=80°.

sin3x

Cau 4: Tim nghi¢m cua phuong trinh =0 trén doan [27?;47[] .

cosx+1
Loi giai

Diéu kién: cosx# -1 x=7+127(l )

Khi do

sin 3x

—0<sin3x=0<3x=kz(keZ) < x=kZ(keZ)
cosx+1 3

X=m2x

Két hop diéu kién ta duoc: | x :§+ mr (mel).

X=—+mn
1 11
Vi xe[27r;4ir] nén x € 27[;7—”;8—7[;&;—7Z .
3 3 3 3

DANG 2: PHUONG TRINH c0sx =m (1).
Cau 5:  Gidi cac phuong trinh sau
V2

a. cos(3x—£]:——. b. cos(x—z)zg.
6 2 5

C. cos(2x+50°)=% .d. (1+2cosx)(3—cosx)=0.

e. cos(3x—%j=l. f. 2cosx=-1.

g 2019.cos(x+30°)=2020. h. cos(3x+10°)=—1.

i. sin3x—cos2x=0.]. cos(cos(x+2)):1.
Loi giai

i T \/5 T RY/4
a.Taco cos|3x—— |=—— < cos| 3x—— |=cos—
6 2 6 4

3x—£=3—ﬂ+k2ﬂ' x=M K2z
I (kez)s| 3% 3 (rem).
T 3 —Tr  k2m
3x——=—-—+k27 X=——m—m+—
6 4 36 3

b. Tacod cos(x—2)=§ @x—Z:iarccos(§j+k27r
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Ciu 6:

@xziarccos(%)+2+k27z (keZ).
c. Taco cos(2x+50°) =% & cos(2x+50°) = cos 60°

2x+50° =60°+ £.360° x=5°+£k.180°
= (keZ) o (keZ).

2x+50°=-60°+£.360° x=-55°+£k.180°
1+2cosx=0

d. Taco (1+2cosx)(3—cosx)=0 @{
3—cosx=0

<:>cosx:—l<:>x:i2Tﬂ+k27r(keZ).

e. Taco cos(3x—%)zl <:>3x—%:k27r(keZ)© x:%+k27”(keZ)

f. Tacod 2cosx =—1 <:>cosx=—%<:>x=4_rz?ﬁ+k27r(keZ).

g. Ta c6 2019.cos(x+30°)=2020 < cos(x+30°) = ;8?(9)

>1 ( v0 nghi¢m).

170°

h. Ta ¢6 cos(3x+10°)=~1 & 3x+10°=180°+£.360° = x = ———+k.120°(k € Z).

i. Tacd sin3x—cos2x =0 < sin3x =sin (%—2xj

3x=2_2x+k2x x= X k2m
N (kez)e| 0 3 (kez).
3x:%+2x+k27z x=%+k27z

j. Taco cos[cos(x+2)] =1 < cos(x+2)=k2r(keZ)
Vi:—1<cos(x+2)<1nén k=0.
Khi do:

cos(x+2):0<:>x+2=%+m7r<:>x=%—2+m7r, (meZ).

T
Phuong trinh 2 Cos(x + 5) =1 ¢6 bao nhiéu nghiém thoa man 0< x<2mn?
Loi giai

1
Ta c6 /2 cos x+£ =1 < cos x+£j:—
( 3) ( 3) 2
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T

x+2="kon

/A

x+Z=-Zikon
3

V61 0<x<2x tacod

kel

kel

0<-" +k2r<2r
12

0<% s rkar<an
12

x=—2 ikon

24 T Mo k=lDx=——.

keZ 12

Vay phuong trinh da cho ¢6 hai nghiém théaman 0 <x<2rx.

Giai cac phuong trinh sau

27
a. tan2x = tan7.

c. tan(3x—30°)=—

W3
3
e. tan2x=0.

g. cotﬁ—lj cot=+1|=0.
2 2

PHUONG TRINH tanx = m (1) VA cotx=m (2)

b. tan%:\/g.

d. tan’x=1.

f. cot(4x—%j :\/5.

h. tan(z—xJ+2tan x+E =1,
2 2

i. tan(x—30°).cos(2x—150)=0. j. (3tanx+\/§)(25inx—l)=0.

k. tanx.tan2x =-1.
m. sin2x.cotx=0.

1. tan4x.cot2x=1.

Loi giai

a. Tacod tan2x:tan27” <:>2x=27ﬂ+k7r c>x=§+k%,kez.

(kez)e 172 (kez)
x=—Z kox
12
Lﬁksé . 2371
24 24 < k =1 nghi¢m la x:F.
kel
lSk<£ 177

b. Tacod tan%zx/g <:>tan£=tan% <:>§=£+k7z<:>x=27ﬂ+k27r,keZ.

V3

c. Taco tan(3x—30°) = Y < tan (3x—30°) = tan(-30°)

< 3x—-30°=-30°+k180° < x=k60°,k e Z .

d. Taco tanzle<:>tanx:i1@x:i%+k7z',keZ<:>x:%+k%,k€Z.

Swu tdm va bién soan
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e.Taco tan2x=0 < 2x=krx @x:k%,keZ.

f. Ta co cot 4x-Z :\/§<:>cot 4x -~ :cot£<:>4x—£=£+k7z <:>x=£+k£,keZ.
6 6 6 6 6 12 4

g. Diéu kién: sin%iO@%;ﬁlﬁ@x#ZZﬂ,leZ.

X X
. . cot—=1 —=—+kr

Taco|cot——1|| cot—+1|=0 < 2 = 2 4

2 2 X T
cot—=-1 —=——+kr

2
x:£+k27z
s 2 ke Z(TM).

x= —£+k27z
2
h. Taco

tan(%—xj+2tan(x+%j:l & cotx—2cotx=1<cotx=-1 <:>x=—%+k7z,

kel.

Vay phuong trinh da cho ¢6 tap nghiém S = {—%+ kr, ke Z} .

i. Piéu kién cos(x—30°) #0< x#120°+/180°, [eZ.
Véi diéu kién trén, phuong trinh da cho twong duwong véi

tan(x — 30°) =0

t -30° 2x—-150°)=0 <
an(x Joos(2x ) Los(2x—150°)=0

x—30°=k180° x=30°+k180°
= = )
2x—150°=90°+£180° x=120°+£90°

So sanh voi diéu kién, phuong trinh da cho c6 tap nghi¢m S = {30° +k180°,k € Z} .
j. Piéu kién cosx # 0 < x¢%+l7z, lel.

Véi diéu kién trén, phuong trinh da cho twong duwong véi

x=—Zikn
t 3 6 X ”+k72
anx=——— =——
3ta‘1nx+\/§—0<:> & x=%+k27z o ,keZ.
2sinx—1=0 sinx=l . x=£+k27z
X:?+k2ﬂ'

Page 10
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So sanh véi didu kién, phuong trinh dé cho c6 tip nghiém S = {—%+ kr; %+ k2m, k e Z} .

1 ... |cosx#0 2
k. Biéu kién = ,leZ.
cos2x#0 T 7
X Z+l_

Véi diéu kién trén, phuong trinh da cho twong duwong véi

tan2x = —

T
S tan2x=—cotx < tan2x =tan| —+x
tan x 2

<:>2x:%+x+k7r <:>x:£+k7r, kel.

So sanh véi diéu kién, phuong trinh di cho v6 nghiém.

£1Z
N sin2x#0 X 2
1. Biéu kién & ,leZ.
cosdx =0 T T
X#E—+[—

4

V6i diéu kién trén, phuong trinh da cho twong dwong voi

tan4dx =

SAdx=2x+kx <:>x:k£, kel.
cot2x 2

So sanh vaéi di€u kién, phuong trinh da cho vo nghiém.
m. Dicu kién: sinxz0< x#in,leZ.

Véi diéu kién trén, phuong trinh da cho twong duwong véi

) CcOS X
281N X COS X

V4
=0ccos’x=0=cosx=0=x=—+kr, keZ.
sin x 2

So sanh véi diéu kién, phuong trinh d cho c6 tap nghiém S = {%+ km, ke Z} .

A A 9 \ ~ 2 n
Cau 8: Tim sO nghi¢m cia phuong trinh tan x = tan?—flc trén khoang (Z;Zn).
Loi giai

Ta co tanx=tan:i—7lr<:>x:3—”+k7r,keZ.
Véi xe| Zox ,tacé£<3—ﬂ+kﬂ<27r<:>—L<k<£ suy ra k € {0;1}.
4 4 11 44 11

Vay trén khoang (%, 27r] , phuong trinh da cho c6 hai nghiém.

Page 11
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<‘> BAI TAP TU LUAN TONG HOP.

Cau 9:

Cau 10:

Cau 11:

Cau 12:

T
Giai phuong trinh tan [x + E] = J§
Giai:
Ta co: tan(x+§j=\/§<:> tan(x+§j:tang S x+Xl=likn © x=knkel
3 3

Vay phuong trinh c6 m¢t ho nghiém x = kn,k € Z.

B

Giai phuong trinh tan (3x - 300) = Y
Giai:
r 0 \/g 0 0 _ 0
Ta c6 tan(3x—30 )=—? © tan(3x-30")=tan(-30") & x=k60",k€Z.
Vay phuong trinh ¢6 mot ho nghiém X = k60", k € Z.

. T s
Giai phuong trinh tan [2x + gj +tan (§ - xj =0

Giai
7T ™ ™ mm
2x+—#—+mm X#—+—

Diéu kién sl 02 ez
™ s ™
——XxF*—+mr X#———mm
3 2 6

PT < tan o+l |=—tan| L—x | tan| 2x+ = |=tan| -+ x <:>x21+k7r,keZ.
6 3 6 3 2

Két hop voi diéu kién ta suy ra phuong trinh c6 mot ho nghiém x = _2_7T+ km keZ.

e m T
Giai phuong trinh tan (x - Ej —cot (5 + xj =0

Giai:
T T 2T

x——¢§+m7r X#*—+mm 9

A v n T

biéu kién 6 = 3 S x#E—+mm,me 7.

T ™ 3
—+Xx#mm X #——+mm
3 3

T T T T T km
PT @tan(x—— :cot(—+x &S tan| x—— [=tan ——x)@x:—+—,keZ.
6 3 6 6 6 2

Két hop voi diéu kién ta duoc x = %+ km,keZ.
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Giai phuong trinh 3 — x/gtan(%c —gj =0 voi % <x< 2?”
Giai:
k
Phuong trinh twong duong voi tan (Qx —gj =3 o x= %+§,k e Z.

=T 27 - m km 27 T km 7 =7 2
Vi —<x<—o —<—F—<— —<—<—&& —<k<—

4 3 4 3 2 3 12 2 3 6 3
Do keZ nén ke{-10}.

Véi k=—1 thi x:%,vé’i k=0 thi x:g.

Vay x= _T: va x zg thoa man yéu cau bai toan.
U ™ ™
Giai phuong trinh tan [5 + xj +tan (E + 2xj =0.
-7 km

D{lp Sé x:—+—,k€Z.
6 3

- X X
Gidi phuong trinh (cotg - lj(cot§+ 1) =0(1)

sin—=#0 — =k % k3
biéu kién: o o (keZ)
x = k2w
sin— =0 — %k
cotf—le cotle £:£+k7r x=3—7r+k37r
(1)< 3 = 3 |3 4 =N 4 (keZ)
X X x s s
cot—=+1=0 cot—=-1 =k X=——+k2mw
2 2 2 2

So v6i diéu kién cac nghiém nay thoa.

Vay phuong trinh c6 nghiém: x = %77 +k3m,x = ‘%* k2m,(keZ).

Gii phuong trinh tan (x—30°)cos(2x—150°) =0 (1)

Piéu kién: cos(x—30")# 0 <> x—30" #90" + k180" < x #120° + k180", (k € Z).

. x—30° = k180" x=30"+ k180"
tan(x—30 )=0
(1) | 20-150" = 90" +£360° & | x=120"+k180",(k € Z)
2x—1
cos(2x~150") =0 9x—=150" = —90° + k360° | x = 30° + k180"

So v6i diéu kién nghiém x =120° +£180° loai.

Vay phuong trinh ¢6 nghiém: x =30 + k1800,(k € Z)
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Giai phuong trinh (3tan x++/3 ) (2sinx—1)=0(1).

Diéu kién cosx#0 < x %~ +km,(k e Z).

5%

X=—+km
t 3 0
B anx=———
()= 3tanx+\/§—0c> 3 ol x=Sykon (keZ)
2sinx—1=0 ) 1 6
sinx=— o
2 X:?‘l‘kzﬂ'

So v&i didu kién cac nghiém nay thoa.
A om o A om
Vitap cac gia tri {x = ?+ k2m,k € Z; 1a tap con cua tap cac gia tri 1 x = ry +kmkel;.

Vay phuong trinh cé cac nghiém: x = 5%+ km,x = % +k2m,(keZ)

Y T
Giai phuong trinh cos2x cot (x _ZJ =0 (1)
Piéu kién Sin(x—gj 0 x—g zkr < x# g+k7r,(k € Z)

cos2x =0 o ="\ kn Tk

(1) e T o 2 o 4 2
cot| x—— |=0 T T 3T
4 x——:5+k7r x:ZJrkw

1 1 . T .
+——=+/2sin (x + —j (*) (Cb CNTP khoi A_2007)
cosx sinx 4

Diéu kién: cosx#0, sinx#0

Vi diéu kién trén, (*) <> 2(sin x + cos x) = sin 2x(cos x +sin x)

& (sinx+cosx)(1—sin2x)=0

Ssinx+cosx=0tanx =-1

<:>x=—%+k7r,keZ..

So véi diéu kién, nghi¢m cua phuong trinh la: x = _EJF kmkeZ.

sin2x+2cosx—sinx—1
tanx+\/§

tan x # —\/g

cosx %0

=0 (PH D-2011)

biéu kién: {

Page 14
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Véi diéu kién trén, phuong trinh < sin2x+2cosx —sinx—1=0

< 2sinxcosx+2cosx—(sinx+1)=0
< 2cosx(sinx+1)—(sinx+1)=0

& (sinx+1)(2cosx—1)=0

s
1 x=t—+k27
CoSx =—

sinx =-1 x=—g+k27r

So véi diéu kién, nghi¢m cua phuong trinh la x = % +k27 (keZ)

(1-2sinx)cosx
(1+2sinx)(1-sinx)

Cau 21:

=3 (*) (PH A-2009)

1+2sinx#0

Diéu kién: { 1

1-sinx#0

Véi diéu kién trén, (¥) < (1-2sinx)cosx = J3 (1+2sin x)(1—sin x)

T T
<> cos x —+/3 sin x = sin 2x + /3 cos 2x < €08 x+§ =Cos| 2x——

x+ X =ox- " kon x=" 4 kor
Rt = 2 9 keZ.
Xt E=2x+ Xt k2n x=—2 kL
3 6 18 3

Két hop voi diéu kién (1), nghiem phuong trinh I =~ & 2?”
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

DANG 1. PHUONG TRINH sin x =m

Cau 1: Phuong trinh 2.sinx—1=0 c6 tap nghiém la

2
A. S={%+k2ﬂ';%+k2ﬂ',k€2}. B. S {§+k2ﬂ;—?ﬂ+k27t,keZ}.

C. S={%+k2ﬂ;—%+k2ﬂ,k€Z}. D. S={é+k2ﬂ,k€Z}-

A X, 2 . A . . LT
Cau 2: Tat ca cac nghi¢m cua phuong trinh sin x = sm? la

x=2 k2 =" rox
A. i (keZ). B. ; (keZ).
x=——+k2m x=Z ko
3 3
x—%+k7z
C.x=Z+kr (keZ). D. (keZ).
3 2r
x=—+kr
L 3
Cau 3: Nghiém cua phuong trinh 2sinx+1=01a
7 7
A. x:£+k27r;x:—ﬂ+k27r. B. x:—£+k27r;x:—”+k27z.
6 6 6 6
5
C. x=ﬂ+k2ﬂ;x=%+k2ﬂ'. D. x:—%+k2ﬂ;x:%+k2ﬂ.

Cau 4: Nghiém cta phuong trinh sin (% — xj +1=0 la

A.x:%+k2ﬂ,keZ. B.x:%[+k7r,keZ.
T hY/4
C.x:—?+k7r,keZ. D.x:?'szﬂ',kEZ.
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Cau 5:

Ciu 6:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

. (2 .
Phuong trinh sin (?x —%) =0c6 nghiém la

A. x:§+k7r (keZ).

27z k37r (

C.x= ke Z)

Nghiém cua phuong trinh sin x = sin (—2) la:

x=-2+k2x
A. , ke

x=2+k2n7

{x =2+kr
C.

,kel.
x=mw-2+krx

Ho nghiém cua phuong trinh sin x = sin% la
x="rkn
Al 0 kleZ.

4
x=—=~+Ir
5

x=£+k27r
c.| kileZ,
x:——+l27r

:£+k—ﬂ- kelZ.
6 2

Phuong trinh sm[ x——] 0 c6 nghiém la
B.

A. x=krn,keZ.

Tap nghiém ctua phuong trinh sinx = sin%Z la

A. S= {53” k27 %+k27{;keZ}

C. S= {577[+k27r %+k27z keZ}

Phuong trinh sinx =sin80° c6 tap nghi¢m la
A. S= {80° +k360°,100° + £360°,k € Z} .
C.S= {40° +k360°,140° + k360°,k € Z} .

Tap nghiém ctua phuong trinh sin2x =-1 1a

A. S={—%+k27r,keZ}.

C. S:{%H’m,keZ}.

. . 1,
Ho nghiém cua phuong trinh sinx = 5 la

.S

.S

.x=kr (keZ).

k37

—+— (keZ

. ()
x=-2+k2x
. , kel.
xX=rm-2+k2x
x=-2+k2r7
. , kel
x=rw+2+k2x
x—z+k27z

: kileZ
x——”+l2ﬂ
L 5
x=—+kr

kel

Xx=——+Ir

x=%+k7z,keZ. D. x:%+k7[,keZ.

={5—”+k2n;7—”+k2n;kez}.
3 3
z{s?ﬁwtkﬂ;_zTﬂkaﬁ;keZ}.

= {80o +k360°,-80°+ k360°,k € Z} .

S
.S= {80°+k180°,100°+k180°,k € Z} .
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v=Z ko x=21kon
A. ; keZ. B. 56 kel
x=—ﬂ+k2ﬂ x=—ﬂ+k27z
3 i 6
1
xX=—+k2x
C.x=km,keZ. D. 2 { kel.
xX=nm——+k2rx
B 2

Cau 13: Nghiém cua phuong trinh sin§=1 la
A. x=rn+kdr,keZ. B.x=k2n,keZ. C.x=rn+k2n,keZ. D. x=%+k27r,keZ.

Cau 14: Phuong trinh sin(x —%) =1 ¢6 nghiém la

A. x=%+k27r. B. x=5?”+k72'. C. x=%+k2ﬂ. D. x=2427.
Cau 15: Tim nghiém cua phuong trinh sin2x=1.
A x=Zviox. B.x="tkr. C.x=2+i2rx. D.xzk—ﬂ.
2 4 4 2
Cau 16: Tim nghiém cua phuong trinh 2sinx—-3=0.
X = arcsin (%) + k27
A. xed. B. (kez).
. (3
X = 7r —arcsin (5) + k27
. (3
X = arcsin (Ej + k21
C. ; (keZ). D. xeR.
X = —arcsin (Ej + k27
Cau 17: Phuong trinh sin x :73 c6 nghiém la:
x=2+kn x=Z+k2rx
V4 V4 6 3
A x=t—+k2r. B. x=—+kr. C. 5 . D. ) .
3 3 x:%+kﬂ x=Tﬂ+k27r

Cau 18: Tap nghiém cta phuong trinh sin x =sin30° la
A. §={30°+k2r|keZ} U {150°+k2x |k e Z}.

B. S ={+30°+k27 |k e Z}.
C. §={430°+k360°| k € Z} .
D. 5 ={30°+360°| k € Z} U {150°+360° | k € Z}

Céau 19: Tim tat ca cic nghiém ctia phuong trinh sin(x +%j =1.

A.x:%+k7z(keZ). B.x:—%+k27r (keZ).
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

C. x=%+k27r (keZ).D. x=%”+k27r (keZ).

Phuong trinh 2sinx—1=0 c¢6 tap nghiém la:

A. S ={%+k27r;%”+kzﬂ,kez}.

C.S= {£+k2ﬂ;—£+k2ﬂ,k = Z} .
6 6
Phuong trinh 2sinx+1=0 c6 nghiém la:

x=-Z+ik2n
6

A. B.

x:—7—n+k2n
6

x=-Z+4k2n
6

x:7—n+k2n
6

Phuong trinh 2sin x — J3=0c6 tap nghi¢m la:

A. {i%+k27r,keZ}.

C. {%+k27r,5?ﬁ+k27r,keZ}.

B. S={%+k2ﬂ';—%+k27r,keZ}.

D. S={%+k27[,k€Z}.

x:£+k2n x:£+kn
C g D. 67
x——n+k2n x———n+kn
6 6
B. {i%+k27r,keZ}.

D. {%+k27[,2?ﬂ+k27z,keZ}.

Téng cac nghiém ciia phuong trinh 2sin (x+40°) = J3 trén khoang (-180°;180°) la

A. 20°. B. 100°.

C. 80°. D. 120°.

Tim téng cac nghiém cua phuong trinh cos(Sx —%) = cos(2x —%) trén [0;7[] .

AT Lz c. Bz Iz

18 18 18 18
S6 nghiém phuong trinh sindx _ 0 thugc doan [27;47x] 1a

cosx+1

A. 7. B. 6. C. 4. D. 5.
Phuong trinh 2sin x + J3=0co tong nghiém dwong nhoé nhit va nghiém 4m 16n nhit bang
A B. 27. c.Z D. .

3 3
V6i nhitng gi4 tri ndo ctia x thi gia tri cua cac ham sb y=sin3x va y =sinx bang nhau?

x=k2x
A. keZ). B. x=kZ(keZ).

x=2+k2m ( ) 4 ( )

4
x=kr
C. x=kZ(keZz). D. keZ).
5 (kez) c=Z = ( )
4 2

36 nghiém clia phuong trinh sinx =0 trén doan [0; 7] la
Al B. 2. C.0. D. Vo sb.
Tap nghiém cta phuong trinh 2sin2x+1=0 la

A S=-T kn E ckrkent
12 12

B.S=1-Zikon Fikonkent.
6 12
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

C.S:{—1+kzn,7—”+k2n,kez}. D.S= {—£+k7r7—ﬂ+k7zkeZ}
12 12 6 12
Nghiém cua phuong trinh 3 sin(4x + %] -1=0 la:
1 1 .1 oz i 1 1 .1 oz
xX=———arcsin—+k— X=————arcsin—+k—
Al 84 32 ez B. 8 4 3 2 en.
7z 1 1 1 T 7 1 1 T
X=—————arcsin—+k— X=———arcsin—+k—
L 4 8 4 3 2 L 4 4 3 2
x:—l+k£ x:—l+larcsinl+k£
C 8 2,cz. D § 4 32 ez
T T 7z 1 1 1
x=—+k— X =—————arcsin— +k—
L 4 2 L 4 8 4 3 2
Tap nghiém ctia phuong trinh sin x = sin (x —~ 600) la
B. {%+k7r,keZ}. B. {%’Twm keZ}.
C. {120°+k180°,kez}. D. {60°+k180° keZ}

3

S6 nghiém ctia phuong trinh sin 2x = - trong khoang (0;37) 1a
A. 2. B. 1. C. 4. D.6.
Cung luong giac c6 diém biéu dién 1a M .» M, nhu hinh v€ 1a nghiém cta phuong trinh lugng

giac nao sau day?
yA

A. sin(x—%j:O. B. sinx=0. C. cos(x—%jzo. D. sin(x+§]:0.

86 nghiém thu¢c khoang (0;27) cua phuong trinh sin(x + %) +sin2x=0 la

A. 1. B. 2. C. 3. D. 4.

S6 nghiém thyc ciia phuong trinh 2sinx—1=0 trén doan {—37”; 107[:| la:

A.11. B. 9. C. 20. D. 21.

S vi tri biéu dién cac nghiém ciia phuong trinh sin (2x + %j = % trén duong tron lugng giac la

A 4. B. 3. C. 6. D. 1.
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Tap nghiém cta phuong trinh sin (7x) = cos [g + wx] la:
V4 1 Vs 1

A. {—+k7r,keZ}. B. {—+k,keZ}. C. {—+kﬂ',keZ}. D. {—+kﬂ,keZ}.
12 12 2 2

Phuong trinh sin(3x + %) = —g c6 bao nhiéu nghiém thudc khoang [0; %j ?

A. 2. B. 3. C.4. D.5.
S6 nghiém ctia phuong trinh sin(x +%J =1véi 7 <x<5x la
A. 1. B. 0. C.2. D. 3.

. 2
C6 bao nhiéu nghiém phuong trinh sin2x = ey trong khoang (0;7T )

A. 4. B. 3. C. 2. D. 1.

S6 nghiém thudc doan {0;577[} cua phuong trinh 2sinx =1 1a

A. 4. B. 1. C. 2. D. 3.

Phuong trinh ndo dudi ddy c6 tap nghiém biéu dién trén dudng tron luong giac 1a 2 diém

M, N?

_1_5::

A. 2sin2x =1. B. 2cos2x=1. C. 2sinx=1. D. 2cosx=1.
Cho phuong trinh sin(Zx—%j = sin(x+37ﬂj . Tinh téng cac nghiém thudc khoéng(O;ﬂ) cua

phuong trinh trén.

A B. . c.Z. p.Z.
2 2 4

Tim s6 nghiém ctia phuong trinh sin(cos2x) =0 trén [0;27].

A. 2. B. 1. C. 4. D. 3.

o ) N3 S ™

Phuong trinh sin|3x + 3 = 5 c6 bao nhiéu nghiém thudc khoang 0;5 ?

A. 3. B. 4. C.1. D. 2.

Sé nghiém ciia phuong trinh 2sinx—+/3 =0 trén doan doan [0;27].

A. 3. B. 1. C. 4. D. 2.
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Cau 47: S6 nghiém thyc ciia phuong trinh 2sinx+1=0 trén doan [—37”;107{ la:
A. 12. .11, C. 20. D. 21.

CAu 48: Phuong trinh sm(2x —%) = sm(x + —j ¢ tong céc nghiém thudc khoang (0;7) bang

A. 7—” . TT. C. 3—”
2 2 T4
Cau 49: Tinh tong S cua cac nghiém ciia phuong trinh sin x =% trén doan {—% %}
A s=2% B.s=2. c.s==2. p.s==
6 3 2 6
Cau 50: Phuong trinh sin| 3x+— 3 —7 c6 bao nhiéu nghiém thudc khoing 0;3 ?
A. 3. B. C. 1. D. 2.

Cau 51: Cho phuong trinh 2sin x — \/§ =0 . Tong cac nghiém thudc [0; 7[] cta phuong trinh la:

i .2 b, 41

A. 1. —.
3 3 3

=

Cau 52: Phuong trinh sin2x = —g c6 hai cong thirc nghiém dang o+ kx, f+kr (k € Z) voi a,
thudc khoang (—% EJ Khi d6, a + 8 bang

AL B. - X, C.r. p. -Z.
2 2 3

Ciau 53: Tinhtong S cua cic nghiém cua phuong trinh sin x :% trén doan [—%%} .

A s=22L B.s=2. c.s==. D.s==,
3 2 6

Céu 54: Nghiém cta phuong trinh 2sinx+1=0 dugc biéu dién trén dudng tron luong giac & hinh bén 1a
nhitng diém nao?
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A.Piém D, diém C. B.Piém E,diém F. C.Diém C,diém F. D.Piém E, diém D.

Céu 55:  S6 nghiém cua phuong trinh sin(x + %) =1 thudc doan [7;27] la:

A. 3. B. 2. C.0. D. 1.
Cau 56: Phuong trinh 2sinx —1=0 c6 bao nhiéu nghiém x € (0; 27:) ?
A. 2 nghiém. B. 1 nghi¢m. C. 4 nghiém. D. V6 s6 nghiém.
CAu 57: Phuong trinh sin5x—sinx=0 c6 bao nhiéu nghiém thudc doan [-20187;20187]?
A. 20179. B. 20181. C. 16144. D. 16145.
CAu 58: Sb nghiém thudc doan 0;5—7T cua phuong trinh 2sinx—1=0 la:
A. 3. B. 1. C. 4. D. 2.
Cau 59: Cho phuong trinh 2sin x — J3=0. Tong cac nghiém thudc [O; 7[] cua phuong trinh la:
4
A B. 7. c. = . 2.
3 3 3
Cau 60: Tinh tong S cua cac nghiém ciia phwong trinh sin x =% trén doan {—%,%} .
A s=Z. B.s=2. c.s=Z p.5=7.
6 3 2 6
Cau 61: S6 nghiém thyc ciia phuong trinh 2sinx+1=0 trén doan [—%;107[} la:
A 12. B. 11. C. 20. D. 21.
Cau 62: Phuong trinh: 2sin (2x —%j —+/3 =0 ¢6 miy nghiém thugc khoang (0;37).
A. 8. B. 6. C.2. D. 4.
Cau 63: Nghiém cua phuong trinh sin2x =sinx la
(x=k2x [x=kr
A. kel. B. kel
x:3—ﬂ+k27z x=2—7[+k27r
L 4 L 3
[ x=m+k2n [x=k2rx
C. T Jkel. D. T k2r.kel.
x=—+k2rx X=—+—
L 3 3 3
DANG 2. PHUONG TRINH COS X =m
Cau 64: Nghiém cua phuong trinh cosx =% la
A x=+Z4k2x. B. x=+Z+ik2rx. C.x=+Z+k2x. D. x=+Z+k2x.
2 3 4 6
Cau 65: Nghiém ctia phuong trinh 2cos(x—15°)-1=0 la
x=T75°+k360° x =60°+£k360°
. ,kel. B. ,kel.
x=135°+k360° x =—-60°+£k360°
x=45°+k360° x=T75°+k360°
. ,kel. D. ,keZ
x =—-45°+k360° x =-45°+£k360°
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Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Giai phuong trinh Cosx = 7

A,x=i?+k27r (keZ). B. x i%+k7r (keZ).

C. x:i%+k27z (keZ). D. x i%+k27r (keZ).

A o N T \
Nghiém cua phuong trinh cosx =cos— la

x:£+k27r x=£+k27z
1112 (k.IeZ). B.| 12 (k. €Z).
X=—2 421 x=—2 421
12 12
C. x="—+ik2r (keZ). D. x=Z k27 (keZ).
12 12

Nghiém ctia phuong trinh cos2x =0 la

A. x=kr (keZ). B.x:%+k% (keZ).

C.x=%+k7r (keZ). D.x:k% (keZ).

Phuong trinh cosx=—73 c6 tap nghiém 1a :

A. {xzi%+k7z;keZ}. B. {x:i%+kﬂ;keZ}.

C. {x:i%+k2ﬁ;keZ}. D. {x=i§+k2ﬁ;keZ}.

Phuong trinh cosx =- % c6 cac nghiém la

A.x=i2Tﬂ+k27r,keZ. B.x=i%+kﬁ,keZ.

V4 T

C.x=i§+k27r,kez. D.x:ig+k2ﬂ,k€Z.

Tap nghiém ctuia phuong trinh cos3x +sin 277[ =0 la

VR P AN B. |+2Z K27 4 7l
16 3 9 3

C. J_rs—”+kz—”,keZ . D. is—ﬂ+kz—ﬂ,keZ .
9 3 12 3

Trong cac phuong trinh sau, phuong trinh nao c6 nghi¢m?

A. cosx=3. B. sin2x =-2.

NG

C. cos[2x—z]:—l. D. cos(2x—1)="".
3 2

Phuong trinh nao sau day c6 nghiém?
A.sin2021x-2=0.  B. cos(2x+2021)=3.
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Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

Cau 79:

Cau 80:

C. sinx+1=0. D. cos(2x+2021)=-1.

Nghiém cua phuong trinh cos(x+%) = g la:
[ x=k2rx (x=kx
A. T (kGZ) B T (kEZ)
x=——+krx X=——+
L 2
x=kx [x=k2rx
C. T (keZ) D T (keZz)
X=—— T X=—— /4
e, . |
Nghiém ctia phuong trinh cosx = 3 la

A. xziz?ﬂ—kk%r B. x::t%—kkw C. x::|:§+k27r

Giai phuwong trinh €osx =1

kT

A.xzj,kEZ. B. x=kx, keZ.

C. x:gwm, kE€Z.D. x=k2n, keZ.
Phuong trinh cosx = cos% c6 tat ca cac nghiém la:
A. xzzT”+k27r(keZ)B. x:i%+k7z(keZ)

C.x:i%+k27r(keZ) D.x:%+k27r(keZ)

Phuong trinh cos x =0 c6 nghiém la:

A.x=%+k7f (keZ). B. x=k2r (keZ).

C.x=%+k27r (keZ). D. x=kr (keZ).

Nghiém cua phuong trinh cos (x + %) = g la
[ x=k2x [x=kn

A. keZ). B. keZ
x:—£+kﬂ( ) x=-24 72( )
L 2 L
[ x=krx [x=k2rx

C. keZ). D. kel
x:—%+k27r( ) x=—£+k27z( )

. Ao o2 s A 5 \ X
Tim tat ca cac nghiém cua phuong trinh cosg =0.

A. x=kr, keZ. B.x:%+kﬂ,keZ.

C. x:%[+k67r, kelZ. D. x:%z+k37r, kel.

D. x=i%—|—k27r
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Cau 81: Phuong trinh 2cosx—1=0 c6 nghi¢m la:

A. x=i%+k27r, keZ. B. x=i%+k27r, keZ.
C.x:i%+27z,keZ. D.x:i%+kﬂ,keZ.
Cau 82: Phuong trinh 2cosx—+/2 =0 c6 tht ca cac nghiém la
x:3—”+k27r x=£+k27r
A. 43 kel B.| 4 keZ.
x:——ﬂ+k27r x:—£+k27r
4 L 4
i V4 _ T
xX=—+k2rx x=—+k2x
C. ;‘ keZ. D. 47 keZ.
x=2jon x=—"Z ikox
L 4 L 4
Cau 83: Giai phuong trinh 2cosx—1=0
x=£+k2n
A x=t%iknkez. B.| 3  keZ.
3 2n
xX=—+k2m
L 3
x=Z4kn
C.x=+Zti2m kez.D.| > , keZ.
3 2n
xX=—+kn
L 3
Cau 84: Nghiém cua phuong trinh cosx =-1 la:
A. x:%+k7z, keZ. B.x=k2x, keZ.
C.x=rn+k2n,keZ.D. x=kr,kel.
A . 2 A 1s
Cau 85: Phuong trinh cosx=—7 cé tap nghiém la
A. {x:i%+k2ﬂ';keZ}. B. {x:i%+kﬂ';keZ}.
C. {x=i37”+k2;z;kez}. D. {x=i§+kﬁ;keZ}.
Cau 86: Khing dinh nao sau ddy 1a khang dinh sai?
A.cosx=-1<x=n+k2r. B. cosx:O<:>x:§+k7r.
C.cosx=1<x=k27.D. cosx=0<:>x=%+k27r.
Cau 87: Phuong trinh lugng giac: 2cosx+~/2=0 c6 nghiém la
x=£+k27r x=3—ﬂ+k27r x:£+k27r x=7—ﬂ+k27r
Al 4 . B 43 e ;‘ . D. 47
x=-21kon x=-2Z tkox x=2 jon x=—Z1kon
4 4 4 4
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Cau 88: Tim cdng thirc nghiém cua phuong trinh 2cos(x+a)=1.

x=—a+£+k27r [ T

A. 3 (kelZ). B.|*TTHTITR ey,
x:—a+2—”+k27r | Xx=—a+k2rx
x:—a+£+k2fr x:—a+£+k27r

C. 3 (kex) D. S (kex).
x=a—§+k27z x=—a—%+k27r

Cau 89: Tim tong cic nghiém ctia phuong trinh cos(Sx —%) = cos(Zx —%J trén [0;7].

A N7 B. 3% c. b7 p. '~
18 18 18 18

Cau 90: Phuong trinh 8sin’ (%) cos’ (gj —1=0 tuong duong véi phuong trinh nao sau day?

A. sinx=—2. B. cos2x=0. C. cosx=—2. D. sinx=—£.
2 2 2
1
Cau 91: Ho cac nghiém cua phuong trinh cos3x = 5 la
A x=tZ BT b n B x=+Z kankel.
9 3 9
C. x=i£+kz—7z,keZ.D. x=i£+k27z,keZ.
3 3 3
. 2 3
Cau 92: Tong cac nghi¢ém cua phuong trinh COS()H%j:—% trong khoang (_%’Tﬂj la
21z Va & 137
. B. —. C.—. D. —.
20 2 5 20
Cau 93: Tap nghiém cta phuong trinh (1 —2 cos x)(2022 +sin’ x) =01la
A. Z+kiz;—£+k7r|keZ . B. Z+k27r;—£+k27z|keZ .
4 4 4 4
C. ZtkalkeZ}. D.{-Z+krlkeZ}.
4 4
Cau 94: Phuong trinh luong giac: 2cosx+\/§ =0 c6 nghiém la:
x="rkon x=3—7[+k27r x=5—ﬂ+k27r x="4k2x
A. ;‘ . B. 43 e 4 . D.
x=Z ko x="Z . i2n x:_s—ﬂ+k27r x="Liion
4 4 4 4
Cau 95: Tt ca nghiém ctia phuong trinh 2cosx=—1 la
2
A.x=i%+k7r (keZ). B.x=i§+k27r (keZ).
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c.xzi%”+k27z(kez). D.x:i%+k27r(keZ).
Céu 96: Tbdng cac nghiém thudc khoang (—%,%) ctia phuong trinh 4sin®2x—1=0 bang:
A. . B. Z. C.0. D. Z.
3 6

Cau 97: Phuong trinh ﬁcos[x + %) =1¢6 sd nghiém thudc doan [0;27]1a
A. 1l B. 2 C.0 D. 3

Ciu 98: Biét cac nghiém ctia phuong trinh cos 2x = —% c6 dang x = % +krva x= —%Jr kr,keZ;voi
m,n 1a cac s6 nguyén duong. Khi d6 m+n bang
A. 4. B. 3. C.5. D. 6.

Cau 99: Phuong trinh \/Ecos(x + %) =1¢6 sd nghiém thudc doan [0;27]1a

A. 1l B. 2 C.0 D. 3
Cau 100: Nghiém 16n nhit ciia phuong trinh 2cos2x—1=0 trong doan [0; 72] la:
A . x=rx. B.x:M. C. x—2—ﬁ D.x:S—ﬂ.
12 3 6

Cau 101: Cho hai phuong trinh cos3x—-1=0; cos2x = —% . Tap céc nghiém ciia phuong trinh dong thoi
la nghiém ctia phuong trinh la

A.x:%+k2ﬂ,keZ. B. x=k2x, keZ.
C. x:i§+k2ﬂ',keZ D. x:izTﬁ+k27r,keZ.
A J4 N , \ n RY/4 .
Cau 102: S6 nghi¢m cua phuong trinh 2cosx =+/3 trén doan [0;7} la

A. 2. B. 1. C. 4. D. 3.

Céu 103: S6 nghiém ctia phuong trinh cosx =% thuoc doan [-27;27] 1a?

A. 4. B. 2. C. 3. D. 1.
Cau 104: Phuong trinh cos2x+cosx =0 c6 bao nhi¢u nghiém thudc khoang (—72'; 7z) ?
A. 2. B. 3. C. 1. D. 4.

Céu 105: Tong tat ca cac nghiém cua phuong trinh cos2x —cosx = 0 trén khoang (O; 27[) bang 7 . Khi d6

T c6 gid tri la:

AT=1Z. B.T=2r. c.r-2%. D.T=rx.
6 3
A S
Céu 106: S6 nghiém cua phuong trinh 2cosx = J3 trén doan 0,7
A. 2. B. 1. C. 4. D. 3.
Cau 107: Tim tap nghiém S cia phuong trinh cos x. sm(Zx—?j =0.
A. S= {2+k €+k7 ke Z} B. §={k180°75°+k90°,k € Z} .
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Cau 108:

Cau 109:

Cau 110:

Cau 111:

Cau 112:

Cau 113:

Cau 114:

C. S={kﬂ;i—§+k7ﬂ,keZ}. D. S:{100°+k180°;300+k90°,kGZ}.
Giai phuong trinh 3cos” x = 5cos x

A.x:%Jrkﬂ (keZ). B.x:%+k27r (keZ).
C.x=rn+k2n (keZ). D. x=kr (keZ).

Giai phuong trinh 5sinx —sin2x =0

A. x=k2x (keZ). B. x:%+kﬂ (keZ).
C.x=kz (keZ).  D.Phuong trinh v6 nghiém.

Giai phuong trinh sin (7 —x)—cos (% - 2xj =0

A. S={k2x|keZ}. B.S:{k27z,%+k27”|keZ}.
C.S:{kﬂ,£+kz—ﬂ|ke2}. D.S={£+k2—ﬂ|keZ}
3 3 3 3

Nghiém 4m 16n nhat ctia phuong trinh cos(4x —%) +sin’ x = cos’ x
A. —3—57z. B. —Hﬂ. C. —ll—ﬂ. ) Y

36 36 12 12
Trén khoang (%, 27rj , phuong trinh cos (%— 2xj =sinx c6 bao nhiéu nghiém?
A. 4. B. 5. C. 2. D. 3.
S6 diém biéu dién nghiém cta phwong trinh s in4x<2 cosx—~/2 ) =0 trén duong tron lugng giac
la
A. 4. B. 6. C. 8. D. 10.
Céc ho nghiém cua phuong trinh sin 2x — V3sinx =0 la:

x=krx x=krx x=k2x

V4

A. : B. x=+—+kr. C. . D. :

x=i%+kﬂ' 6 x=tZik2n x=tZ+kon
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| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

DANG 1. PHUONG TRINH Sin x =m

Cau 1:

Cau 2:

Cau 3:

Phuong trinh 2.sinx—1=0 c¢6 tap nghiém la

T 2r
A. S= £+k2ﬂ;5—ﬂ+k2ﬂ,kez . B. S=\—-+k2m;——+k2m,keZ;.
- 6 6 3 3
Vs T 1
C.S=1s—+k2m;——+k2rn,keZ;. D. S=<—+k2n,keZ;.
6 6 6
Loi giai
| x=2+k2n
Taco: 2.sinx—1=0<> sinx =— <> sinx =sin = < 6 (keZz)
2 6 S5
xX=—+k2rx
6
Tét ca cac nghiém cua phuong trinh sin x = sin% la
x=2 k2 x=Z vikox
A. i (keZ). B. ;’ (keZ).
x=——+k2rm x="Zikn
3 3
x=%+k7z
C. x=2+krx (keZ). D. (keZ).
3 2r
xX=—+kn
3
Loi giai
. ) ) xX=a+k2rx
Ap dung cong thirc: sinx =sina < (keZ).

x=rn—a+k2r
Nghiém cua phuong trinh 2sinx+1=01a

A. x:£+k27z; x:7—7[+k27r.
6 6

I

x:—£+k27r; x:7—ﬂ+k27z.
6 6
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5
C. x:ﬂ+k2ﬁ;x:%+k27r. D. x:—%+k2ﬂ;x:%+k2ﬂ.
Loi gidi
{ x=-2L1ron x=-21ron
Taco: 2sinx+1=0<sinx=— < = 6 (keZ)
2 Vs r
xX=rn+—+k2rx xX=—+k2rx

. T T
Vay phuong trinh ¢6 nghiém la x = 3 +k2m; x= 3 +k27m.

Cau 4: Nghiém cua phuong trinh sin (% — xj +1=0 la

A.x:%”+k27z,kez. B.x:%zum,kez.
T Y4
C.x=—?+k72',keZ. Q.x=?+k27r,keZ.
Loi giai

sin z—x +1=0<sin £—x =—1<:>£—x=—£+k272'<:>x=5—ﬂ-—k272',keZ.
3 3 3 2 6

Véi keZ, x= o + k27 cling 1a nghiém cta phuong trinh.

Cau 5: Phuong trinh sin (z?x —%j =0c6 nghiém la

A. x:§+kﬂ (kez). B. x=kz (keZ).

C.x=22.B7 (kcz). D. x=Z+8% (ke7)
3 2
Loi giai
Phuong trinh sin EE L D Sy BT hreox=E 07 (kez).
3 3 3 3 3 3 2 2
Cau 6: Nghiém ctia phuong trinh sin x =sin(-2) la:
x==-2+k2x x==2+k2x
. ,kel. B. ,kel.
x=2+k2rx xX=r-2+k2x
x=-2+kr x=-2+k2r7
C. ,kel. D. ,kel.
x=rm-2+krx xX=rw+2+k2x
Loi giai
) ) x=-2+4+k2rx )
sinx =sin(-2) < voi keZ.
xX=rw+2+k2x
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Cau7: Ho nghiém cua phuong trinh sinx = sin% la

x=Ztkn =2tk
Al > klezp.| ° ke,
Ar - 4
x=—-+Ir x=—-+02r
L 5 5
x=—+k2x xX=—+kr
C Jk,leZ. D ke
x=——+02nr X=——+Ir
Loi giai
, ] . . x=a+k2x
Ap dung cong thirc nghi€ém cua phuong trinh sinx =sina < ke,
x=r—-a+2r
x=21ko
o . T 5
Ta cbd sinx =sin— < kel
5 4r
=—+1027
5

. x=£+k7ﬂ.,keZ. C. x:%+kﬂ',k€Z. D. x:%+k7r,keZ.

Cau 8: Phuong trinh sin[Zx —%j =0 cb6 nghiém la
B
- 6

A x=krn,keZ.

Loi giai
V3 T
Ta cod sin(Zx—;ij o 2x—§=kﬂ,k e’

<:>x=£+k—ﬂ,keZ_
6 2

Cau9: Téap nghiém cta phuong trinh sin x = sin%z la

A S=1Z on 2 L konk e B. S =% s komE i komk e TY.

3 3 3 3
C. §= 5—ﬂ+k2ﬂ;_5—ﬂ+k2ﬂ;keZ . D. S= 5—ﬂ+kﬂ;_2—ﬂ+k7r;keZ .

3 3 3 3

Loi giai

Ap dung cong thirc nghiém, ta co

5 x:5—7[+k27z xz%z+k27r
sin x = sin 2 < & (keZ).

3 V4 -2

x:ﬂ—?+k27r x=T+k27r
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Cau 10: Phuong trinh sin x =sin80° c6 tap nghiém la

A. S= {80°+ k360°,100° + £360°,k € Z} . B. S= {80°+ k360°,-80°+ k360°,k € Z} )
C.S :{40°+k360°,140°+k360°,k € Z}. D. S ={80°+k180°,100°+k180°,k € Z}.
Loi giai
. . x=80°+£k360° x=80°+£k360° i
Ta ¢ sinx =sin80° < = voi keZ.
x=180°-80°+£k360° x =100°+£360°
Cau 11: Tap nghiém ctia phuong trinh sin2x=-1 la
A. S:{—%+k27z,keZ}. B. S={—§+kﬂ,keZ}.
C. S:{%H’m,keZ}. D. S={—%+kﬂ,keZ}.
Loi giai

L T /4

Ta co Sln2x:—1©2x=—3+k272'<:>x:—z+k7[, kel.
Cau 12: Ho nghi¢m cua phuong trinh sinx:% la

x=Z4kon x="ykox
A. ; keZ. B. 56 keZ

x=Z ko x=2Z s kox

3 L 6
x=—+k2rx
C.x=kn,keZ. D. 2 kel.
xX=r——+k2r
Loi giai
1 x="ykon x="1ion

sinxzacsinx:singc = 6 kel

x=7z—£+k271 x=5—7z+k27z
6 6

Cau 13: Nghiém ctia phuong trinh sin% =11a

A. x=rn+kdrkeZ. B.x=k2mkel. C.x:ﬂ+k27r,keZ.D.x=%+k2ﬂ,keZ.
Loi giai

Phuong trinh twrong duong singz 1 @%:§+k2ﬂ Sx=n+kdr, kel

Cau 14: Phuong trinh sin(x —%) =1 ¢6 nghiém la

A x=2+1k2r. B.xzs—”+k7r. Q.xzs—”+k27r. D.x:%+27z.
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Loi giai
sin x—z =1 <:>x—£:£+k27r <:>x:5—7[+k27z (keZ).
3 3 2 6

Cau 15: Tim nghiém cua phuong trinh sin2x=1.

A x=Zviox. E.x=£+k7r. C.x=2+i2rx. D.xzk—”.
2 4 4 2
Loi giai
(o Vs V4
Taco: sin2x=1< 2x:5+k27z<:>xzz+k7r.
Cau 16: Tim nghiém cua phuong trinh 2sinx—-3=0.
X = arcsin (§j+k2fr
A. xed. B. (keZ).
. (3
X = 7 —arcsin (5j+k27r
. (3
x= arcsm(zj+k2ﬂ
C. (keZ). D. xeR.
. (3
X =—arcsin (5}/{2;;
Loi giai
Taco: 2sinx—-3=0&sinx = % >1 nén phuong trinh v6 nghiém.
Cau 17: Phuong trinh sinx = 73 c6 nghiém la:
=2 vkn x=Z+k2x
V4 Vs 6 3
A. x=t—+k2rx. B. x=—+knx. C. 5 . D. ) .
3 3 x=2Z+kr x=2L+k2n
6 3
Loi giai
=%+k2ﬂ'
Tacod sinx=—< 2 ,VO1 keZ
2 37T+k27r
Cau 18: Téap nghiém cta phuong trinh sin x =sin30° la
A, S= {30°+k272"kEZ} U {150°+k2fr|keZ}.
B. S :{+30°+k27r|k eZ}.
C. §={+30°+k360°|keZ}.
D. S= {30°+360° |k e Z} U {150°+360° | k eZ}.
Loi giai
o . x=30°+k360° x=30°+£k360°
Ta co sinx =sin30° < & ( EZ).
x=180°-30°+£360° x=150°+k360°
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

N S A . T
Tim tat ca cac nghiém cua phuong trinh sm(x +Ej =1.

A.x=%+kﬂ(kez). B.x=—%+k27z(keZ).
C x=Z+k2x (ke). D.x=%+k2ﬂ(keZ).
Loi gii

Taco Sin(x+%j=l<:>x+%=%+k2ﬂ'<:>x=%+k2ﬂ' (keZ).

Phuong trinh 2sinx—1=0 c¢6 tap nghiém la:

A S=iZviom i kon ket B. S=1Zsiom-2Z s kar ket
6 6 3 3
C.s={Z iom-Zironkent. D.S=l irorkez!.
6 6 2
Loi giai
| X £+k27r
Ta co: 2sinx—1:0<:>sinx:—<:>sinx:sin£<:> 6 kelZ.
2 6 Y4
x=—+k2rx
6
Phuong trinh 2sinx+1=0 c6 nghiém la:
x=—£+k2n x=—£+k27: x=£+k27c x=£+k7c
A. g B. 76 C. g D. 67
x=——n+k2n’ x=—n+k2n x:—n+k2n x=——n+kn
6 6 6 6
Loi giai
Chon B
, . ) 1 ) T
Ta co: 2smx+1:0©s1nx:——:s1n(——j
2 6
x:—£+k2n
o 76 (ke)
x=—n+k2n
6
Phuong trinh 2sinx—~/3 =0¢b tap nghiém la:
A. {i%+k27r,keZ}. B. {i%+k27r,keZ}.
C. {%+k2ﬂ',5§+k2ﬂ',keZ}. D. {%Jrkz;r,%”wzn,kez}.

Loi gidi
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Cau 23:

Cau 24:

T
\/g x=—+k27
2sinx—\/§=0<:>sinx=7<:> ; (keZ).
x=—7[+k27r

Vay tip nghiém cta phuong trinh la: § = {% + k27r,277r +k2rn,keZ }

Téng cac nghiém ciia phuong trinh 2sin (x +40°) = 3 trén khoang (—180°;180°) 1a
A. 20°. B. 100°. C. 80°. D. 120°.
Loi gidi
NG

Ta c6: 2sin(x+40°) = B e sin (x+40°) = -

x+40° = 60° + k360° x = 20°+ k360°
© (keZ) < (keZ)
x+40° =120° + k360° x =80°+ k360°

Theo dé bai:
5 4
—180°<20°+k360°<180°<:>—§<k<§:>k=0:>x=20°.

—180°<80°+k360°<180°<:>—%<k<%:>k=0:>x=80°.

Vay tong cac nghiém ciia phwong trinh 1a 20°+80° =100° .

Tim tong cic nghiém cta phuong trinh cos (Sx —%) = cos (Zx —%) trén [0;7].

Ll B. 3% c. Bz . /=,
- 18 18 18 18
Loi gii
Ta co:
. - sx-Z=ox-Zikon x=-2 k2r
cos| Sx—— |=cos| 2x—— | & 6 3 kel < 183 kel.
6 3 V4 V4 T k2rx
Sx——==2x+—+k2x X=—+—"
3 14 7
Vi xe[0;7] néntaco:
Ve xe—Z k2 o E R k<l dokezZ=k=1nen x=1E
3 18 3 12 12 18
VoI x= LB 0 T B2 Lk B o kez= ke {0::2:3) nén
14 7 14 4 4
[z 57 om 13
14714714714 |

XA ., A 1r x Sz 97 13z 4Trx
Tong tat ca cac nghiém la: —+—+—+—+—=——.
18 14 14 14 14 18
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Cau 25:

Cau 26:

Cau 27:

S6 nghiém phuong trinh sindx _ 0 thugc doan [27;47] 1a
cosx+1
A 7. B. 6. C. 4. D. 5.

Loi gii
Piéu kién: cosx+1#20< x =1 +k27.

. sin3x
Taco

0= sin3r=0o x="" (ke2).
cosx+1 3

So v6i diéu kién nghiém cua phuong trinh 1 x = kTﬂ V6i ke Z, k #3(21+1)

Vi 27rsxs47zc>2;zs%”s4;z©6sk312 nén ta chon k €{6,7,8,10,11,12} .

Phuong trinh 2sin x + J3=0co tong nghiém dwong nhoé nhit va nghiém 4m 16n nhit bang

A3 B. 2x. c.Z. D. 7.
3 3
Loi giai
T
Xx=——+k2x
* Ta co: 23inx+\/§=0<:>sinx=—§=sin(—§j<:> 43 kel.
x:Tﬂ+k27r

. Sr .
*Xét x = —% + k27, k € Z ta dugc nghiém duong nho nhat la x; = ? va nghiém am 1én nhat

la x i
a =
27 3

. 4 .
*Xét x= 4?”+ k27, k € Z tadugc nghiém duong nhé nhat 1a x5 = T va nghiém am lén nhat

. 2r
la Xy =——.

3

. 4r
* So sanh x; va x; ta suy ra nghi¢m duong nho nhat cua phuong trinh da cho 1a x; = ER

A A r A 5 \ ~ \ T
So sanh x, va x4 ta suy ra nghiém am I6n nhat cia phuong trinh da cho 1a x, = —E.

) r 4r
*Tacod Xy + X3 :—§+T:7Z'.

Vi nhiing gia tri nao cua x thi gia tri cua cac ham s6 y =sin3x va y =sinx bang nhau?

x=k2r
T
A. x:%+k2ﬂ (kez). B. x=k (keZ).
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x=kn
C. x=kZ(keZ). keZ).
" (k<) | .z (keB)
4 2
Loi giai
Xét phuong trinh hoanh do giao diém: sin3x =sinx
3x=x+k2x x=kz (k Z)
= = e’Z).
3x=r—-x+k2x x=Z4kZ
4 2
Céu 28: Sb nghiém cta phuong trinh sinx =0 trén doan [0; 7] 1a
A. 1. B. 2. C.0. D. Vo sb.

Loi giai
Taco sinx=0=x=kr, kelZ.
xe[O;7r]<:>0Sk7zS7r<:>OSk£l ma keZ nén k=0; k=1.Suyra x=0; x=r.
Vay phuong trinh sinx =0 c6 2 nghiém trén doan [0; 7].

Cau 29: Tap nghiém cta phuong trinh 2sin2x+1=0 la

A S=d-Z iinlZ knkezt B.S=1-ZikonFikon ket
12 12 6 12
C.s5=1-Zvion Zvkon ket D.S=A-Ziin E knkent
12 12 6 12
Loi giai
| 2x=-21kon
Ta co: 2sin2x+1=0 < sin2x = —— <> sin 2x =sin| -~ | < 6 kel
2 6 T
2x=—+k2x1
6
x=—Ltkr
& 12 kel
T
XxX=—++krx
12

Vay tép nghiém cta phuong trinh 1a S = {—%+ kﬁ,Z—Z+ km, ke Z} .

Cau 30: Nghiém cua phuong trinh 3 sin(4x + %) -1=0 la:

1 1 1 T 1 1 1 T
X =———arcsin—+k— X=————arcsin—+k—
4 3 2 4 3

Al 8 kel. B. 8 2 kez.

7z 1 1 1 T 7 1 1 T
X=—————arcsin—+k— X =———arcsin—+k—
4 8 4 3 2 4 4 3 2
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Cau 31:

Cau 32:

1 I 1 N 4
x:—§+k5 x:—§+zarcsm§+k5
C. Jkel. D. kel.
T T 7 1 1 N 4
X=—+k— X=—————arcsin—+k—
2 4 8 4 32

Loi giai
1 1
1 1 | 4x+—=arcsin—+2krx
3sin 4x+— |—120 <> sin| dx+— |=— > 2 3 kel
2 2 3 1 1
4x+5=7r—arcsm§+2k7r

1 1 .1 o
X=——+—arcsin—+k—
4 3 2

o 8 kel
7z 1 1 ! V4
X=—————arcsin—+k—
4 8 4 32
Tap nghiém ctia phuong trinh sin x = sin (x —~ 600) la
B. {%+k7z,keZ}. B. {%”wmkez}.
C. {120°+k180°,keZ}. D. {60° + k180", k € Z}

Loi giai
x=x-60"+%360°

—120° + k180° (ke Z
x=180°—(x—60°)+k360°<:>x " (keZ)

sinx—sin(x—60°)<3[

S6 nghiém ctia phuong trinh sin 2x = ? trong khoang (0;37) 1a

A. 2. B. 1. C. 4. D. 6.
Loi giai

3 2x=£+k27z x=£+k7z
Ta cod sin2x:7<:>sin2x:sin%c> keZ & keZ

2x=2—ﬂ+k27z x=£+k7z
3 3

Xét x:£+k7r(keZ): 0<x<37r<:>0<%+k7z<37r<:>%1<k<%7.

k=0=x=

Ma keZnén |k=1=>x=

ox|§ B

(O8]

k=2:x=1—ﬂ
6

Xét x:%+k7z(keZ): 0<x<37r<:>0<%+k7z<37z<:>_?1<k<§.

Swu tdm va bién soan
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k=0:x=£

3

\ N 41
Ma k € Z nén k=1:>x=7
k=2:x=7—ﬂ

i 3

Vay phuong trinh sin 2x = ? c6 6 nghiém trong khoang (0;37).

Céu 33: Cung luong giac c6 diém biéu dién 13 M 1» M, nhu hinh v€ 1a nghiém cta phuong trinh lugng
giac nao sau day?

YA

A. sin(x—§)=0. B. sinx=0.

Cung luong gidc c6 diém biéu dién 1a M,, M, c6 s6 do la: T ok (keZ).

Va phuong trinh sin(x—%ij@x—%zkn@ x=Zrikn (keZ).

Cau 34: S6 nghiém thudc khoang (0;27) ciia phuong trinh sin(x + Ej +sin2x=0 la

Al B. 2. C. 3. D. 4.
Loi giai
sin x+§)+sin2x:0<:>sin(x+§j:—sin2x<:>sin(x+§j:sin(—2x)
1 T 27
x+—=-2x+k217 X=——+k—
= 3 o g 3
x+£=7z+2x+k27r x=——ﬂ—k27r
L 3 3
Céac nghiém thudc khoang (0;27) cla phuong trinh la: —%+2T”;—§+2.2?”;—£+27r;
R BN

9> 9 3
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Vay c¢6 4 nghiém thoa yéu ciu bai toan.

Cau 35: Sb nghiém thuc ctiia phuong trinh 2sinx—1=0 trén doan [—37”; 107[} la:

A.11. B. 9. C. 20. D. 21.
Loi giai
) X= %+ k2w
Phuong trinh tuong duong: sinx =— < ,
2 Sm
xX= e +k2rx

+ Voi x=%+k27r, keZ tacod —%S%+k27[£10ﬂ, kel @—%Skﬁ%, kel

= 0<k<4, keZ.Do dé phuong trinh c6 5 nghiém.
+ Voi x:%r+k27r, keZ tacod —%S%+k27z£107£, kel @—%Ské%, kel

= 1<k <4, keZ.Do @6, phuong trinh c6 6 nghiém.
+ R& rang cac nghiém nay khac nhau timg d6i mét, vi néu

T okon =Tk e k—k =1
6 6 3

Vay phuong trinh ¢6 11 nghiém trén doan [—37”; 1072':| :

Cau 36: S6 vi tri biéu dién cac nghiém ciia phuong trinh sin (2x + EJ = % trén duong tron lugng giac la

A. 4. B. 3. C. 6. D. 1.
Loi giai
2x+Z =21 kon
Phuong trinh <:>sin(2x+£j=sin£<:> 3.6 kel
3 /4 V4
2x+—=nm—-—+k2x
3 6
x=—2 tkr
P 2 kez
T
xX=—+krx
4

.2 X cn T N \ \ .y <
Bicu dién nghiém x = ) + km trén duong tron lugng giac ta dugc 2 vi tri.

.2 .x A T A \ \ ./ <
Bi€u dién nghiém x = 2 + kz trén duong tron lugng giac ta dugc 2 vi tri.
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Cau 37:

Cau 38:

A sin A SIn
O\ N
[ T | k0% I o). | €05
| S B - >
\ & |/
170 N
Hinh 1 Hinh 2

Vay c6 tat ca 4 vi tri biéu dién cic nghiém cac nghiém cua phuong trinh.
Tap nghiém cta phuong trinh sin (7x) = cos [g + 7rx] la:

AAZ vknkezt. B Atikkezl. clZikrkezt. DAl iirkenl
12 12 2 2
Loi giai
Ta co:

sin (7rx) =coSs [% + Wx] & sin(wx) =sin [% —%— wx] & sin(wx) =sin [% — 7rx]

7rxz%—7rx—|—k27r
=

@x:i%—k,kez.
T 12
7Tx:7r—g+7rx+k27r (VL)

Phuong trinh sin(3x + %) = —g c6 bao nhiéu nghiém thudc khoang [0; %j ?

A.2. B. 3. C. 4.

Loi gidi

L. V4 \/5 ) b ) T
Taco sin| 3x+— |=—— << sin| 3x+— |=sin| —— |
3 2 3 3

D. 5.

3x+§=—£+k27[

(keZ)
I+l =+ k2
3 3

27 27
X———+k7
= ) (kez)
T 2
x=Zyp st
33
THI: x=-Z 527 0.8 o0 2F kPl B pokez=i=t,
9 3 2 3 23 12

, 4
Suy ra truong hgp nay c6 nghiém x = 7” thoda man.
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Cau 39:

Cau 40:

Cau 41:

Cau 42:

TH2:x=£+k2—ﬂe 0;1 <:>0<£+k2—ﬂ<£<:>—l<k<l.Do keZ=k=0.
3 3 2 3 3 2 2 4

Suy ra truong hop nay c6 nghiém x = % thoa man.
Vay phuong trinh chi ¢c6 2 nghiém thudc khoang [0; %) .
S6 nghiém ciia phuong trinh sin(x +%j =1vél 7 <x<57 la

Al B. 0. C.2.
Loi giai

=
(98]

Ta co sin x+Z :l<:>x+£=£+k2ﬂ'<:>x=£+k2ﬂ', keZ
4 4 2 4

Nén ﬂSxSSﬂ@ﬂS%JrkZﬂSSﬂ@%SkS%

Vi keZ nén ke{1;2;3}.

. 2
C6 bao nhiéu nghiém phuong trinh sin2x = ey trong khoang (0;7T )
A 4. B. 3. C. 2. D. 1.

Loi gidi

2x=1+k27r x=1+k7r

) 2
s1n2x:—7<:> 5 < 5
2x=7ﬂ+k27z x=§+kﬂ

Vi 0<x<7r<:>0<%+k72’<ﬂ'<:>%<k<§—)k:1—)x=7—”

Vi 0<x<7r<:>0<5?”+k7r<7r<:>_?5<k<§—>k=0—>x=5§

S6 nghiém thudc doan [0;57”} cua phuong trinh 2sinx =1 la

A. 4. B. 1. C.2. D. 3.
Loi giai

x=£+k.27z

. : 1
Phuong trinh 2sinx=1<sinx=— < 6 (k,leZ)
2 V4
x=—+I[27
6

St| . .
Vi XE{O;T} nén k=0,k=1va [=0.

Phuong trinh nao duéi day c6 tip nghiém biéu dién trén duong tron lugng giac 1a 2 diém
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Cau 43:

M, N?
N M
A. 2sin2x=1. B. 2cos2x=1. C. 2sinx=1. D. 2cosx=1.
Loi giai
Chon C

A R \ \ ’ . R 5 \ N A r e g R 1
Ta thay 2 diém M va N la cac giao diém cua duong thang vudng goc véi truc tung tai di€ém 2
v6i duong tron luong giac = M va N 1a cac diém biéu dién tap nghiém ciia phuong trinh lwong

giac co ban: Sinx=%<:>23inx=1 = bapan. C.

Cho phuong trinh sin(Zx—%j = sin[x+37ﬂ-j . Tinh téng cac nghiém thudc khoéng(O;ﬂ) cua

phuong trinh trén.

AE B. 7. ¢z, p. =
2 2 4
Loi giai
Chon B
2x—£=x+3—”+k27r x=n+k2rx
.. /4 . 3r 4 4
Taco: sin| 2x—= |=sin| x+— | & & r 2r (keZ).
4 4 T 3 xX=—+k—
2x—zzﬂ—x—7+k2ﬁ 6 3

+Xét x=mw+k27 (keZ).

Do 0<x<7r<:>0<7r+k27r<7r<:>—%<k<0.Vi k € Z nén khoéng co6 gid tri k.

wxét x=" k2 (ke).
6 3

Do 0<x<7z<:>0<%+k27”<7r<:>—%<k<%.\/i keZ néncé hai gidtr k la: k=0;k=1.
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Cau 44:

Cau 45:

oVéik:O:x:%.

e V6i kzl:x:%.

Do d6 trén khoang (0;7) phuong trinh da cho ¢6 hai nghiém x :% Va x= 5?”

T Srm

Vay téng cc nghiém ciia phuong trinh da cho trong khoang (0;7[) la: €+ o =7.

Tim s6 nghiém ciia phuong trinh sin(cos2x)=0 trén [0;27].
A2, B. 1. C. 4. D. 3.
Loi giai

Ta ¢6 sin(cos2x)=0< cos2x=kz (keZ)

Vi cos2xe[—1;1]:>k=0:cos2x=0<:>2x:%+kl7r<:>x=%+k1% (k eZ).

xe[0;27] = k €{0;1;2;3}.
Vay phuong trinh ¢6 4 nghiém trén [0;27].

B

Phuong trinh sin [3x+§]:—7 c6 bao nhiéu nghiém thudc khoing O;% ?
A. 3. B. 4. C.1. D. 2.
Loi giai
T T
3x+—=——+k2n
Ta ¢6 sin|3x+— z—ﬁﬁsin 3x+ L~ |=sin|——| e 3 3 (kGZ)
3 2 3 3 s m
Ix+—=7m+—+k27
3 3
ve-2E ik 2E
o 7 3 (kex)
V4 2
X=—+k—
3 3

27 1

B THE: x=-Z kP 05 o 0<-Z ik Z 2ok B po kezsik=1.
9 2 9 3 3 12

3 2

Suy ra truong hgp nay c6 nghiém x = %Z thoa man.

27 T 2r T«

+) TH2: x=Z4k L 0;— c>0<£+k—<—<:>—l<k<l.Do keZ=k=0.Suyra
3 3 2 3 3 2 2 4

\ N n T~
trrong hop nay c6 nghiém x = 3 thoa man.
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Vay phuong trinh chi ¢6 2 nghiém thudc khoang [0;%] .

Céu 46: S nghiém cua phuong trinh 2sin x — V3 =0 trén doan doan [0;27].

A. 3. B. 1. C.4. D.?2
Loi gidi
Chon D
Tuw ludn
x:£+k27r x:£+k27z
. . 3 ) . (7 3
2s1nx—\/§:O©smx:7<:>s1nx:s1n(?j<:> & kel

x:ﬂ—%+k27z xzzTﬂ+k27r

- Xeét x:%+k27r

OSxS27r<:>0£§+k27zSZﬂ@—%SkZﬂS%T@—%SkS%Sk=O

Chi 6 mdt nghiém x = % e[0;27]

- Xeét xzzT”+k27z

OSxS27z<:>0£2T7r+k27r£27r<:>—277r£k27rs47”©—%sk£§:>k=0

Chi ¢6 m6t nghiém x = %’[ e[0;27]
Vay phuong trinh ¢6 2 nghiém thudc doan [0;27].

Cau47: Sb nghiém thuc cia phuong trinh 2sinx+1=0 trén doan [—37”;10”} la:

A.12. B. 11. C. 20. D. 21.
Loi giai

-
! x=—+=+k2rx
Phuong trinh twong duong: sinx = 3 = ,(keZ)

x:7—7[+k27z
6

+ Véi x:—%+k2ﬂ', keZ taco —%g—%wznsmn, kel @%Skﬁ%, kel

= 0<k<5, keZ.Do d6 phuong trinh c6 6 nghiém.
+ Vi x:%z"‘kflﬂ, keZ tacd —377[37?7[+k27TS107Z',kEZ @?Skﬁ%, kel

= -1<k<4, keZ.Do do, phuong trinh c6 6 nghiém.
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Cau 48:

Cau 49:

Cau 50:

+ R0 rang cac nghiém nay khac nhau tirng 461 mdt, vi néu

T k=T ik e -k =
6 6
Vay phuong trinh c¢6 12 nghiém trén doan [—37”;10”} .

Phuong trinh sin(2x —%) = sin(x + 37”] ¢ tong céc nghiém thudc khoang (0;7) bang

AIE B. 7. c. = p. =,
2 - 2 4
Loi giai
3 2x—£:x+3—7r+k27z x=rw+k2rx
Taco sin| 2x =2 | =sin| x+ 2 | = 4 & r 2z (k1€Z).
4 4 T T X=—+1—
2x—Z=Z—x+l27z 6 3

Ho nghiém x =7+ k27 khong c6 nghiém nao thudc khoang (0; 7).
T 2r T 2r
x==+1="e(0;7) 2> 0<=+I=—<x =1e{0;1}.
6 3 6 3
Vay phuong trinh ¢6 hai nghiém thudc khoang (0; 7) 1a x =% va x= %Z Tir d6 suy ra tong

cac nghiém thudc khodng (0; 7) ctia phuong trinh nay bang 7.

Tinh tong S cuia cac nghiém ciia phuong trinh sin x =% trén doan {—% %}
A s=2%. B.s=2. c.s==2. D.s=2

6 3 2 6

Loi giai
x=—+2kr
o 1 6
Taco: sinx=—< (keZ).
2 Sw
= ?“r‘ 2kr

Phuong trinh sin(?)x + %J = —g c6 bao nhiéu nghiém thudc khoing 0,%)
A. 3. B. 4. C. 1. D. 2.
Loi giai
/4
IX+—=——+k2r
Ta co: sin(3x+£j:—£ N 3 3 (keZ)
3 2 V4
3x+—=—+k2x
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Cau 51:

Cau 52:

Cau 53:

2 27
sx=—2F i kon ¥=—gh=
=N 3 (keZ) < ) (keZ).
3x=rn+k2n7 x:%JrkTﬂ

Vi xe O;Z nén xzz, x:4—”.
2 3

Vay phuong trinh da cho c6 hai nghiém thudc khoang (0; %) .

Cho phuong trinh 2 sin x — J3=0. Téng cac nghiém thudc [0; 72'] cua phuong trinh Ia:

A 7. B.Z. .z p. 2%
- 3 3 3

Loi giai

V4

x=—+k2xr

2sinx—«/§=0<:>sinx:£:sin£<:> 3 .
2 3 2r
xX=—+k2x
2 2

Céc nghiém cua phuong trinh trong doan [0 72'] la % Tﬂ nén co tong 1a %JFTEZ .

Phuong trinh sin 2x = —? c6 hai cong thie nghiém dang a +kz, f+krn (keZ) véi a, B

thudc khoang (—% 3] Khi d6, a + B bang

AL B. - Z. C. z.
2 - 2
Loi giai
T
2x=——+k2x
Ta co: sin2x=—?=sin(—%) = 43 =
2x :Tﬂ+k27z

T T T
Viy a=—=— va B=——_Khidé a+pB=—=.
ay 5 B 3 s 5

f 1 LA . A . . |
Tinh tong S cua cac nghiém ctiia phuong trinh sin x = 5 trén doan {—

A 52T, B.s=Z. c.s==
6 3 2
Loi giai
1 x=£+2k7r
Ta co: sinx =— < (keZ).
2 Y4
xX=—+2kr

x=—Zikn
6

D.-Z.
3
x=—Zikn
- 6
x=-Zikn
3
z 1}
2°2
. Zg
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Cau 54:

Cau 55:

Cau 56:

Vi xe —£;£ nén x=2=s5==2.
22 6 6

Nghiém ctia phuong trinh 2sinx +1=0 duoc biéu dién trén duong tron lugng giac & hinh bén 1a
nhitng diém nao?

bV
b
D C
A 4
X
E F
R

A.Piém D,diém C. B.DPiém E,diém F. C.DPiém C,diém F. D.DPiém E, diém D.
Loi giai

x=—Zikor

Taco 2sinx+1=0 < sinx=—l<:> (keZ)
2 T
x=—+k27

Véi k=0= x=-~ hogc x=_~.
6 6
.2 .2 X R /2 .2 .2 X T N
Piém biéu dién cua x=—g la F, diém biéu dién x=? la E.

S6 nghiém ciia phuong trinh sin(x + %) =1 thudc doan [7z;27] la:

A. 3. B. 2. C.0. D. 1
Loi giai
Taco sin| x+2 |=lox+o=2tk2r o x=2+k2r, keZ.
4 4 2 4
Suy ra s6 nghiém thudc [72'; 27[] ctua phuong trinh 1a 1.
Phuong trinh 2sinx —1=0 c6 bao nhiéu nghi¢m x e (0; 27[) ?
A. 2 nghiém. B. 1 nghi¢m. C. 4 nghiém. D. V6 s6 nghiém.
Loi giai
! x= z + k27
Tacod: 2sinx—1=0 < sinx =— < (keZ).
2 Y1
x=—+k2x

Do x €(0;27) nén ta co x=%;x=5?ﬁ.
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Cau 57: Phuong trinh sin5x —sinx =0 c¢6 bao nhiéu nghiém thudc doan [—20187r; 201 87[] ?

A. 20179. B. 20181. C.16144. D. 16145.
Loi gii
Ta co
Vs
) ] ) . Sx=x+k2rx x:kE
sin5x—sinx=0 < sin5x=sinx < = «
Sx=rm—x+k2r7 T z (%)
X=—+k—
6 3
x=kZ (keZ)
2
S|l x=—+mrm (meZ).
X=—+nr (neZ)
20187 <k X <2018
TR = LuIen ~4036 < k <4036
Vi xe[—20187z;20187z] nén —2018ﬂ£5?ﬂ+m7r£20187z o —12213 <m< 12203.
—20187z£%+n7z£20187z —12209311312207

Do d6 c6 8073 giatri k, 4036 gia tri m, 4036 gia tri n, suy ra s6 nghiém can tim 1a 16145.

nghi¢m.
Cau 58: Sb nghi¢m thudc doan 0;577T cua phuong trinh 2sinx—1=0 la:
A. 3. B. 1. C. 4. D. 2.
Loi giai
Chon A
1 x==1 + k2w
+ Phuong trinh twong dwong sin x = — < sin x = sin— < 6 ,(kez).
2 5w
x= o + k27

+Véix:%+k27r,(k€Z).

Vi xe 0;5—7

nén O§%+k27r§5777, keZ @—%ﬁkﬁ%, keZ = ke{o1).

T 1377}
6

Suyra: xe{—;—t¢.
o xe 2

+V6ix:5?7r+k27r,(k€Z).

Vi xe|0:27| nén O§%+k27§5§, kez @—%ﬁkﬁ%, keZ=k=0.
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Y
Suyra: x=—.
Y 6
Do do x e E;S—W;B—W )
6 6 6

Viy s nghiém ctia phuong trinh 1a 3.

Cau 59: Cho phuong trinh 2sin x — J3=0. Téng cac nghiém thudc [O; 72'] ctua phuong trinh la:

4 2
A B. 7. c. = D. ==,
3 3 3
Loi giai
Chon B
V4
x=—+k2rx
2sinx—«/§:O<:>sinx:£:sin£<:> 3
2 3 2
X=—+k2r
, ‘ T2 T 27
Céc nghiém cua phuong trinh trong doan [0;7[] la ?; EY nén co tong la ?+T: .
Cau 60: Tinh tong S cua cac nghiém ciia phuong trinh sinx=% trén doan {—%,%}
A s=Z B.s=2 c.s==, D.5=%.
6 3 2 6
Loi giai
Chon A
1 x=" 4 2kn
Ta cé: sinx =—< 6 (keZ).
2 b4
x=—+2kr
Vi xe —£;£ nén x:£:>S=£
2°2 6 6
Cau 61: Sb nghiém thuc cia phuong trinh 2sinx+1=0 trén doan [—37”;10”} la:
A.12. B. 11. C. 20. D. 21.
Loi giai
Chon A
! x=—Zikon
Phuong trinh twrong duong: sinx =—— & ,(keZ)
2 T
x:?+k2ﬂ'

+ Vi x:—%+k27r, keZ tach —%S—%—i—kZﬂSlOﬂ, keZ @%Zsks%, kel
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= 0<k<5, keZ. Do d6 phuong trinh ¢c6 6 nghiém.
3z _Ix

+ Véi x=%+k27r, keZ tacod —7£?+k27r£107z,keZ =

= -1<k <4, keZ.Do do, phuong trinh c6 6 nghiém.
+ R4 rang cac nghiém nay khac nhau timg d6i mét, vi néu

T =T ke kK =2
6 6 3

Vay phuong trinh c¢6 12 nghiém trén doan [—%;107[} .

_—4Skﬁs—3, kel
3 12

Cau 62: Phuong trinh: 2 sin(2x —%) ~J3=0c¢o may nghiém thudc khoang (0; 37[) .

C.2.
Loi giai

A. 8. B. 6.

Chon B
V4

Ta c6 2sin 2x—£ —\/§:0<:>2Si1’1 2x—£ £<:>
3 3 2 b

D. 4.

ax-Z=Z kon
3 3

T

2x——=nm——+k2x
3 3

Vs
xX=—+krx
= ,keZ.Vixe(0;37) nén xe 1;4—”;7—7['1;3—7T'S—ﬂ
v/ 33 3 2 2 2
x=—+km
2
Cau 63: Nghiém cta phuong trinh sin2x =sinx la
(x=k2x x=kr
A. kel. B. kel
x=3—ﬂ+k27z x:2—ﬂ+k271
L 4 3
x=r+k2x x=k2x
C. T ,kEZ.Q. T kzﬂ,kEZ
xX=—+k2rx i
.3 3 3
Loi giai
) ) 2x=x+k2x x=k2r
Ta cod sin2x =sinx < i T k2rx.kel.
2x=m—x+k2rm x=—+T

DANG 2. PHUONG TRINH COSX =m
Cau 64: Nghiém cua phuong trinh cosx = % la

A.x=i%+k27z. E.x:i§+k2ﬂ. C.x=i%+k2ﬂ'.

Loi giai

D. x:i%+k27r.
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. x= z +k27
Ta co cosx:cos?<:> (keZ).

x=-2 1k

Cau 65: Nghiém ctia phuong trinh 2cos(x—15°)-1=0 la

x=T75°+k360° x =60°+k360°
. ,kel. B. ,kel.
x=135°+£k360° x=-60°+k360°
x=45°+£k360° x="T75°+k360°
C. L keZ. D.  kel.
x =—-45°+k360° x=-45°+k360°

Loi gidi

2005(x—15°)—1=O<:>cos(x—15°)=%<:> cos(x—15°) = cos 60°

eZ.

x—-15°=60°+£360° x=75°+£k360°
= = , k
x—15°=-60°+£360° x=-45°+£k360°

3
Cau 66: Giai phuong trinh cosx = EY

3
A,x=i§+k27r (keZ). B.x=i%+k7r (keZ).
g.x=i%+k2ﬂ (keZ). D.x:i§+k27r (keZ).
Loi giai

Ta co: cosx:73<:>cosx:cos%<:>x:i%+k27r (keZ),

Cau 67: Nghiém cua phuong trinh cosx = cos% la

x=2tkdrn x=2+krn
A. 1112 (k,leZ). B.| 2 (k,leZ).
x=—" 42z x=—+127
12 12
C. x="—+k2rx (keZ). D. x=7 2z (kez).
12 12
Loi giai
x=2tk2r
Ta ¢b cOs X = COs—— <> 12 (k,leZ).
1 V4
xX=——+10127
12

Cau 68: Nghiém cua phuong trinh cos2x =0 la
A. x=kz (keZ).  B. x:%+k% (keZ).
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Cau 69:

Cau 70:

Cau 71:

Cau 72:

C. x=%+k7r (keZ). D. x=k% (keZ).
Loi giai

Ta co: cost=0<:>2x=%+kﬂ' <:>x=%+k% (keZ).

Phuong trinh cosx = —73 c6 tap nghiém 1a :
A. {x:i%+kﬂ;keZ}. B. {xzir%ﬂ’wz;keZ}.
C. {x=i%”+kz;z;kez}. D. {x:i§+k2ﬂ;keZ}.
Loi giai
cosx:——3<:>cosx=cos ST @x:iS—”+k27z,keZ
2 6 6
Phuong trinh cosx =— % c6 cac nghiém la
A.x=i27ﬂ+k2fz,keZ. B.x=i%+kﬁ,keZ.
T Vs
C.x:i?+k27r,keZ. D.x:ig+k27z,keZ.
Loigiai
cosx:—l<:>cosx:cos%cx:i%{+k27z, kel.
A A X . 27 .
Tap nghiém ctuia phuong trinh cos3x +sin 5 0 la
A Z B2 gl B 122Z F27 ol
16 3 9 3
C. J_rs—”+kz—”,keZ . D. is—ﬂ+kz—ﬂ,keZ .
9 3 12 3
Loi giai
Phuong trinh cos 3x+sin27”=0,(1) o tap xac dinh D=R
(1)@cos3x:—sin2T7r<:>cos3x:cos5%
Sx
©3x:i?+k.2ﬂ,keZ
x:is—”+k2—”,keZ.
18
Trong cac phuong trinh sau, phuong trinh nao c6 nghi¢m?
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Cau 73:

Cau 74:

Cau 75:

Cau 76:

B. sin2x=-2.

NGl

C. cos[2x—£]:—1. D. cos(2x—1)=—.
3 2

A. cosx=3.

Loi giai
Phuong trinh lugng gidc co ban dang sinu = a, cosu =a c6 nghiém khi va chi khi |q| <1. Nén
ta chon dap an C.

Phuong trinh nao sau day c6 nghi¢m?
A.sin2021x-2=0.  B. cos(2x+2021)=3.

D. cos(2x+2021)=-1.

Loi giai

C.sin’x+1=0.

Phuong trinh sinx =a va cosx =a c6 nghiém khi va chi khi |a| <lI.

Déi chiéu cac dap an ta thay chi co dap an D 1a phuong trinh c6 nghiém.

2

Nghiém cua phuong trinh cos (x + %) = la:

x=k2x x=krx
A. T (kEZ)B T (kEZ)
xX=——+knx X=——+
x=kx x=k2x
C. P (keZ) D pa (keZ)
L 2
Loi giai
Chon D
x=k2x
Phuong trinh cos i+ X :£<:>cos x+ % | =cos| X | = T (keZ).
4 2 4 4 X=——+k2x
2
e, . 1.
Nghiém ctia phuong trinh cosx = 3 la

A. xziz?ﬁ—i-kZW B. x::t%—kkw C. x::|:§+k27r D. x=i%—|—k27r

Loi giai
Chon A

Ta co: cosxz—%@cosx:cos[%]<:>x:j:2T7T+k27r (kEZ).

Giai phuwong trinh €osx =1,

kT

A.x:T,kEZ. B. x=kr, kel.

C. x=g—|—k2ﬁ, k€Z.D. x=k2n, kEZ.

Loi gidi
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Cau 77:

Cau 78:

Cau 79:

Cau 80:

Chon D

Tacd cosx=1<x=k2n, ke Z.

. T A o s ‘A \
Phuong trinh cosx = cosg cd tat ca cac nghiém la:

A. x=27”+k27z(keZ)B. x=i§+lm(kez)

Q.x:i%+k27z'(keZ) D.x=§+k2n(kez)
Loi giai

Chon C

Phuong trinh cosx = cos% S x= i%+k27r(k € Z)

Phuong trinh cos x =0 c6 nghiém la:

A. x:%+k7r (keZ).B. x=k2x (keZ).

C.x=%+k27r (keZ). D. x=kr (keZ).
Loi giai

Chon A

Theo cong thirc nghiém dac biét thi cosx=0< x = % +kr (k € Z) . Do d6 Chon A

Nghiém cta phuong trinh cos(x +%) = g la
[ x=k2rx [x=krx
A. x:—£+k7r(kez). B. x:—%Jrkﬂ(kEZ)'
:xzkﬂ' :x:k27z
C. N _£+k2ﬂ(keZ). D. x:—£+k27z(kez)'
) L(‘n'giﬁi_
x=k2r

Phuong trinh cos x+Z =£<:>COS x+Z | =cos| Z | =
4 2 4 4

. Ao o2 s A 5 \ X
Tim tat ca cac nghiém cua phuong trinh cosg =0.

A x=kr, kel B.x=%+kﬂ,keZ.

C. x=37ﬂ+k67r, keZ. D. x=37ﬂ+k37r, keZ.

Loi giai
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cosgzo <:>§=£+kﬂ'<:>x=37ﬂ-+3kﬂ', kel.

Cau 81: Phuong trinh 2cosx—1=0 c6 nghi¢m la:

A.x=i%+k27r,keZ. B.x=i%+k27r,keZ.

C. x:i%+2ﬂ, keZ.D. x:i%+kﬂ, kel.
Loi giai
1

Phuong trinh 2cosx—1=0 <:>cosx:5 @x:i%+k27r, kelZ.

Chu 82: Phuong trinh 2cosx—~/2 =0 ¢6 tAt ca cdc nghiém la

x:3—ﬂ+k2fr x:£+k27r
A. 43 kel B.| * kel.
x=—%+k27r x=—£+k27z
x=—+k2x x=7—”+k27r
C ] keZ D. 47 keZ
x:—”+k27z X_—Tﬂ+k2ﬂ'
Loi giai

T
= =—+k2
5 X 4 T
— =

2cosx—x/§:O & cosx = kel.
2 T
Xx=——+k2x
4
Cau 83: Giai phuong trinh 2cosx—1=0
x=24k2n
A x=+%iknkez. B.| 3  keZ.
3 2n
x=—+k2n
3
X=—+kn
C.x=+Z4+kam kez.D.| > | keZ.
- 3 2n
xX=—+km
Loi giai

TXD: D=R.Taco 200SX—1=0<:>COSX=%<:>X='|_‘%+/€27T, kelZ.

Cau 84: Nghiém cua phuong trinh cosx =-1 la:
A. x:%+k7z, keZ. B.x=k2x, keZ.

C.x=n+k2r,keZ.D. x=kr, kelZ.
Loi giai
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Cau 85:

Cau 86:

Cau 87:

Cau 88:

Phuong trinh cosx=-1 <& x=7+k2xn, keZ.

Phuong trinh cosx = —72 c6 tap nghiém la

A&{x:i%+kbnkeZ} R{%:i%+kmkeZ}

Qw%zi%§+k%uk62} Il{x:i§+kmkeZ}
Loi giai

cosx=—72 & cosx:cos(%{] <:>x=ir37ﬂ+k27r,k el.

Vay tap nghiém cua phuong trinh 1a S = {x = i3T7T+ k2 k € Z} .

Khing dinh nao sau day 1a khang dinh sai?

A.cosx=-1lox=rn+k2rx. B. COSX=O<:>X=%+k7Z'.
C.cosx=l<x=k2rx. D. cosx=0 x =2+ k2.
Loi giai

Taco: cosx=—1<x=w+k27 (keZ).
cosx=0<:>x=%+k7r (keZ).

cosx=1ox=k2z (keZ).

Phuong trinh lugng giac: 2cosx + J2=0c¢o6 nghiém la

x="+kon x:3—ﬂ+k27r x="ykon x=7—ﬂ+k27r
Al . B t . C ? . D t
x=-2 1o x=-Z ko x=Zion x=—Zkon
4 4 4 4
Loi giai
. . 2 3z 3z
Phuong trinh twong duong véi cosx = 5 =CoOS— => x = iT+k2ﬂ

Tim cong thie nghiém cua phuong trinh 2cos(x+a)=1.

~ i ]
¥=-at otk x=—a+Z+k2n

A. ; (keZ). B.|" T3 (kez).
x:—a+Tﬂ+k27r | Xx=—a+k2rx
x=—a+£+k27r x=—a+£+k27z

C. 3 (ken) D. (keZ).
x:a—£+k27z x:—a—£+k27r
i 3 L 3

Loi giai
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Cau 89:

Cau 90:

Cau 91:

1 Xx=—a+Z+k2n
2cos(x+a):1<:>cos(x+a):5<:>x+a:i§+k27r<:> (keZ).
s
x=—a-——+k2rx

Tim tong cic nghiém ctia phuong trinh cos(Sx —%) = cos(Zx —%J trén [0;7].

A Yz B. 3% c. ¥z p. =
18 18 18 18
Loi giai
Ta co:
sx—Z=ox-Zikon x=—1£ K2z
cos| 5x—Z |=cos| 2x-Z | = 6 3 kel & 8 3 keZ.
6 3 T Vs T k2w
Sx——=-2x+—+k2n X=—+—
14 7
Vi xe[0;7] néntacod:
+)Véix:—£+k2—7[:>03—1+k2—7[£7r<:>igksﬁ,do keZ—=k=1nén x:ﬁ.
18 3 18 3 12 12 18

+) Véi x:%+k2—ﬂ:>OS£+sz”S7r©_Tl£k£%,do keZ= ke{0;1;2;3} nén

7 Sz 97 13«
X €T3 ——".
14714 14 14

XA ., A w1z x Sm 97 13z 4Trx
Tong tat ca cac nghiém la: —+—+—+—+—=——.
18 14 14 14 14 18

Phuong trinh 8sin’ (%) cos’ (gj —1=0 tuong duong véi phuong trinh nao sau day?

A. sinx:—z. B. cos2x=0. C. cosx:—z. D. sinx:——z.
2 2 2

Loi giai

2
Ta co: 8sin’ (gjcosz (%)—120@ 2.[2sin(§)cos(§D —1=0<2sin’*x—-1=0

< 1-2sinx=0<cos2x=0.

1
Ho céac nghiém cua phuong trinh cos3x = > la

i£+kz—7[,keZ.B. x=i£+k27z,keZ.
9 3 9

A. X

C. x=i§+k277[,keZ.D. x=i§+k27r,keZ.

Loi giai

Ta co cos3x:%<:>3x:i%+k27r<:>x:i%+kZTﬁ,keZ.
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. 2 3
Cau 92: Tong cac nghi¢ém cua phuong trinh Cos(x+%j:—§ trong khoang (_%’Tﬂj la
21
A 22 B. Z. c. 3z p. 5%
20 2 - 5 20
Loi giai
Ta c6 phuong trinh
PO Ly S I L
) =2 V4 R4 5 4
cos| X+— |=——=<&cos| x+—= |=cos—< (keZ).
5 2 5 4 T =3z -197
—:T+k2ﬂ' xX= +k2x
Vi x=ﬁ+k27r,xe —1;3—7[ :—£<k<£;keZ:>k=O:>xl=M.
20 32 120 40 20
N Ly P G S BN LAYy Sy S
20 32 120 40
Vav 13 . hiem 14 x4+ x 1172'+217Z 8
ay tong cac nghiém la ==
ay tong ghic TR T 0 T 0 s
Cau 93: Tap nghiém cta phuong trinh (1 —J2 cos x)(2022 +sin’ x) =01la
A. £+k7r;—£+k7r|keZ . B. Z+k277;—£+k27r|keZ .
4 4 - |4 4
C. £+k7r|keZ . D. —£+k7r|keZ .
4 4
Loi giai
1-v2cosx=0
(1-v2 cosx)(2022+sin” x) = 0 < o cosx ==
2022+sin’ x=0 (VN) V2
@cosx:cos%cx:i%+k2ﬂ,kez.
Vay tap nghiém cua phuong trinh da cho 1a {%—k k27r;—% + k27r|k € Z}.
Ciu 94: Phuong trinh luong giac: 2¢08x + \/E =0 c6 nghiém la:
x=" ko x=3—ﬂ+k27r x=5—ﬂ+k27r x="+kox
A. ;‘ . B. 43 . C. 45 . b.| ¢
x=Z ko x="Z ion =2 jox x="Cyion
4 4 4 4
Loi giai
2 x:3—”+k272
Taco 2cosx++/2 =0 cosx=——— < 4
2 RY/4
X=——+k21
Page 31

Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 95:

Cau 96:

Cau 97:

Cau 98:

Tat ca nghiém cta phuong trinh 2cosx =—1 1a

A. xzirzTﬂ+k7r (keZ). B. x=i%+k27r (keZ).
C. x=i27ﬂ+k27r (keZ). D. x:i%+k2ﬂ (keZ).

Loi giai

1 2 2
2cosx:—1<:>cosx=—5 o cosxzcosTﬂ o x=i%+k2ﬂ (keZ).

Téng cac nghiém thudc khoang (—%,%) ctia phuong trinh 4sin®2x—1=0 bang:
A. 7. B. Z. C.0. p. Z.
3 6
Loi giai

. 1
Ta co: 4sin’ 2x—1:0<:>2(1—cos4x)—1:0<:>cos4x:—<:>x:i%+k£ (keZ).

T

xl——

12

. T
N

Do x:+_+k—e(—£;—J:> 12 =>x+x,+x+x,=0.

2 57
Xy =——1r

12

x —5_7[

Y12

Phuong trinh \/Ecos(x + %) =1¢6 sb nghiém thudc doan [0;27]1a

A. 1 B. 2 C.0 D. 3
Loi giai
Phuong trinh:
\/Ecos(erZ =1<::>cos(x+Z =£
3 3 2
x+£=£+k27z x=£+k27z
= 32 (keZ) < 6 (keZ)
x+£=—£+k27r x:——ﬂ-+k27r
3 2 6

Vi xe[0;27] nén xe {%,%{} . Vay sb nghiém phuong trinh 1a 2

A s - ) \ | T \ T .
Biét cac nghi¢ém cua phuong trinh cos2x = ) codang x=—+krva x=——+kn,keZ; voi
m n

m,n 1a cac s6 nguyén duong. Khi d6 m+n bang
A. 4. B. 3. C.5. D. 6.
Loi gidi
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Cau 99:

Cau 100:

Cau 101:

Chon D

1
cos2x:—5 <:>cos2x=cos2Tﬂ<:> = (keZ)

=>m+n=3+3=6.

Phuong trinh \/Ecos(x + %) =1¢6 sb nghiém thudc doan [0;27]1a

Al B. 2 C. 0 D. 3
Loi giai

Chon B

Phuong trinh:

\/Ecos(er%j:l@ cos(x+%j=£

2

x+£:£+k27z x:£+k27r
N (keZ) < 65 (keZ)
x+£:—£+k2ﬁ' x:——”+k27z'
3 2 6

Vi xe[0;27] nén xe {%,%} . Vay sb nghiém phuong trinh 1a 2

Nghiém 16n nhat ctia phuong trinh 2cos2x—1=0 trong doan [0; 7[] la:

A x=rx. B.x:M. C.xzz—ﬂ. D.xzs—ﬂ.
12 3 - 6
Loi giai
| 2x=" 1 kox x=Ztkn
Phuong trinh 2cos2x—-1=0 < cos2x=— < 3 = 6
2 /4 V4
2x=——+k2x X=——+krx
3 6
0<Zikn<n o< =Z
, , 6 6 6 k= 6
Xét xe[0;7] < i , md keZ suyra i @ 5
0<-Zikr<z |=<k<t - x=Z
6 6 6 6

Vay nghiém 16n nhét ctia phuong trinh 2cos2x—1=0 trong doan [0;7] 1a x = %T

Cho hai phuong trinh cos3x—-1=0; cos2x = —% . Tap céc nghiém ciia phuong trinh dong thoi

la nghiém ctia phuong trinh la
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Cau 102:

Cau 103:

Cau 104:

A.x=%+k27r,keZ. B. x=k2rz, kel.

C. x:i%+k27r,keZ D. x:izTﬂ+k27r,keZ.
Loi giai
. 2z
Tacod cos3x—1=0 <:>cos3x=1<:>x:k7, kelZ.

cos2x:—% <:>2x:i27”+k27r <:>x:i§+k7z', kel.

Biéu dién cac nghiém trén dudng tron luong giac ta cd tip cac nghiém cua phuong trinh déng

thoi 1a nghiém cua phuong trinh 1a x = izTﬁ +kr, kel.

=

Sb nghiém ctia phurong trinh 2cosx =+/3 trén doan [0;5771 la
A. 2. B. 1. C. 4.

Loi giai

3 Vs
2cosx:\/§<:>cosx=7 <:>x=ig+k27z,keZ.
Ma x e 0;5—7[ va keZ nén xe Z;H;l3—7r .
2 6 6 6

S6 nghiém cua phuong trinh cos x =% thudc doan [—27r; 27[] 1a?
A. 4. B. 2. C. 3.

Loi giai

! x=Z ko
Taco cosx=—< 3 ,kel.
2 /4
xX=——+k2x
3

Xét x:§+k27r,do xe[-2m;2x] va k e Z nén —27r£%+k27r£27r:>k:—1; k=0.
Xét x:—§+k27r,do xe[-27;2r] va k eZ nén —27z£—%+k27r£27r =k=1; k=0.
Vay phuong trinh c6 4 nghiém trén doan [—27[; 27[].
Phuong trinh cos2x+cosx =0 ¢6 bao nhiéu nghiém thudc khoang (—7;7)?
A. 2. B. 3. C. 1.

Loi giai

x=r+k2x
Ta co cos2x+cosx =0 cos2x=cos(7+x) < r 2x(keZ)
x=——+k—
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Cau 105:

Cau 106:

Cau 107:

Vi-r<x<nm=

73
Tong tat ca cac nghiém cua phuong trinh cos2x—cosx =0 trén khoang (O; 27[) bang 7 . Khi d6
T c6 gid tri la:
A.T:%r. B. T=2r. C.T:%z. D.T=rx.

Loi giai
Ta cod: cos2x—cosx=0 < cos2x=cosx

|: x=k2x

2x=x+k2x k2r
& Sx=——-:;lkeZ).
2x=—x+k27 x=k27ﬂ * 3 ( )

Vi xe(0;27r) nén 0<k27ﬂ<27r<::>0<k<3.

Do keZ nén k e {1;2} :>x:2?7[; x:%[.
Vay 7= 22437 _on
3 3
£ A 5 \ n b4 .
S6 nghiém cua phuong trinh 2cosx =+/3 trén doan 0;7 la
A. 2. B. 1. C. 4. D. 3.
Loi giai
Chon D
2cosx:\/§<:>c0sx:§ @x:i%+k2ﬂ,kez.
5
Ma x e 0;—ﬂ va keZ nén x e E;H;B—ﬂ .
2 6 6 6
Tim tap nghiém S cua phuong trinh cos x.sin(Zx—%j =0.
A. S={%+k7z;%+%’[,kez}. B. § ={k180°75°+k90° k e Z} .

D. S ={100°+k180°30°+k90° k € Z} .

Loi giai
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V4 V4
cosx =0 xX=—+kr xX=—+knr

Ta co: cosx.sin 2x—£ =0 T = 2 = 2 kelZ.
3 sin 2x—§ =0 s 7r+k7r

Vay tip nghiém cta phuong trinh da cho la: § = {%+ kﬂ';%+ l%r,k € Z}.

Cau 108: Giai phuong trinh 3cos” x = 5cos x

A.x=%+k7z (keZ). B.x=%+k27r (keZ).
C.x=rn+k2n (keZ). D. x=kr (keZ).
Loi giai
cosx=0

3cos’ x=5cosx < 5
cosx ==
3

+) cosx=0<:>x=%+k7z (keZ)

+) cosng
3
Cau 109: Giai phuong trinh S5sinx —sin2x =0
A x=k2r (keZ). B.x=%+kn (keZ).

C.x=kn (keZ).  D.Phuong trinh v6 nghi¢m.
Loi giai

sinx=0

5sinx—sin2x =0 < 5sinx—2sinx.cosx =0 <> sinx(5-2cosx) =0 <
5—2cosx=0

+) sinx=0< x=krx (keZ)

+) 5—200sx:0<:>cosx:§

Céu 110: Giai phuong trinh sin (7 —x) - cos(% - 2xj -0

A. S={k2z|keZ}. E.Sz{k27r,%+szﬂ|keZ}.
C.S:{kn,1+k2—”1kez}. D.S={£+k2—”|kez}
E 3003

Loi gidi
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) T ) ) ) ) 2x=x+k2rx
sin(7 —x)—cos| =—2x |=0 < sinx—sin2x =0 < sin2x =sinx <

x=k2m
f— T k2x (kEZ)
X=—+—-"
3 3

Céu 111: Nghiém am 16n nhit ciia phuong trinh cos(4x —%) +sin’ x = cos’ x

Cau 112:

A L c. 1z p. - X
36 = 36 12 12

Loi giai

AN 7 .
cos(4x _Ej +sin’ x =cos’ x < cos(4x —Ej =cos’ x—sin’ x

= cos(4x —%) =Ccos2x

4x—£=2x+k27r x:£+k7z

= 6 = 12 (keZ)
T T T
dx——=2x+k2x x=—+k—
36 3

Ta c6 mdi ho nghiém lan luot cé cac nghi€ém am 16n nhat la:

T 117z T

iz, _x__liz
3

% " 36

== X, =—
12 12 36

Vay nghiém am 16n nhét ctia phuong trinh 1 x = —%ﬂ' .

Trén khoang [%, 27:) , phuong trinh cos (% — 2xj =sinx c6 bao nhiéu nghiém?

A. 4. B. 5. C.2. D. 3.
Loi giai
- » Z—2x=£—x+k27r
Taco cos| ——2x |=sinx < cos| ——2x | =cos z—x = 6
6 6 2 T T
——2x=——+x+k27
6 2
x=———k2x
& kel
_2r _kx
9 3

2x=mw—-x+k2x
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Vay phuong trinh da cho ¢6 3 nghiém trén khoang (%, 2%) .

Céu 113: S6 diém biéu dién nghiém ctia phuong trinh s in4x(2 cosx—/2 ) =0 trén duong tron lugng giac

lIa
A. 4. B. 6. C. 8. D. 10.
Loi giai
sindx =0
sindx 2COSX—\/§ =0 <
( ) |:ZCOSX—\/§=O
i kr
X=T
dx=kr
= A e [x=2vkor (kez).
COSX:T 4
X —£+k27z
1 sin
= _.-_ g
-~ e

Viy ¢6 8 diém biéu dién nghiém cua phuong trinh trén trén dudng tron luong giac.

Cau 114: Céc ho nghi¢m cua phuong trinh sin 2x — V3sinx =0 la:

x=kr x=kr x=k27x
T
A. . B. x=+"—+kr. C. . . )
x=i£+k7r * 6 - x=i£+k27z x=i£+k27r
6 6 3
Loi giai
Ta cod sin2x—\/§sinx:0© sinx(2cosx—\/§):0
sinx=0 x=kr
< = .
cosx:£ x=i£+k27z
2
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

DANG 3. PHUONG TRINH tan x = m
Cau 115: Tim tit ca cac nghiém ctia phuong trinh tanx =m , (m € R).
A. x=arctanm+kz hodc x=r—arctanm+kz, (keZ).
B. x=ztarctanm+kz, (keZ).
C. x=arctanm+k2z , (keZ).
D. x=arctanm+kz, (keZ).
Cau 116: Phuong trinh tanx = V3 o tap nghiém la
A. {%+k27z,k e Z}. B. . C. {%Jrkfz,k = Z}. D. {%+k7r,k EZ} .
Céu 117: S6 diém biéu dién nghiém ciia phuong trinh tan 2x = 1 trén dudng tron luong giac 1a
A. 6. B. 2. C. 8. D. 4.
Cau 118: Nghiém cua phuong trinh tan(x+1)=11a

A. x=1+kz (keZ). B. x=—l+%+k7[ (keZ).
C.x=krz (keZ).  D. x=—1+%+k.180° (keZ).

Cau 119: Nghiém cta phuong trinh tan3x =tanx 1a

A.x=k7ﬂ,keZ. B. x=kr, keZ. C.x=k2z, kel D.x=%”,kez.

Cau 120: Phuong trinh tan(3x—15°) = J3 ¢6 cac nghiém la:
A. x=60°+k180°. B. x=75°+k180°. C. x=75°+k60°. D. x=25°+£k60°.
Cau 121: Phuong trinh luong giac: J3.tanx+3=0 ¢6 nghiém la:

A.X=£+kﬂ'. B.X=—£+k272’. C.x=£+k7z. D.x=—£+k7r.
3 3 6 3

Cau 122: Giai phwong trinh: tan’ x =3 ¢6 nghiém la:
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Cau 123:

Cau 124:

Cau 125:

Cau 126:

Cau 127:

Cau 128:

Cau 129:

Cau 130:

Cau 131:

Ao x=Zvkr. B.x=-2tkr. C.x=+"vkr. D. v6 nghi¢m.

Nghiém ctia phuong trinh V3 +3tanx=0 la:

A x=-Zikr. B.x=Zkr. C.x=Z+kr. D. x=2Z1k2r.
6 2 3 2

Giai phuong trinh +/3 tan2x—3=0.

A x=Zsiikr(kez). B.x=Z+kZ (kez).
6 3072

C.x=Z+ikr (kez). D. x=2+kZ (kez).
3 6 2

Ho nghiém cua phuong trinh: tan(x—%j—l=0 la
A. x=%+k7r,keZ. B. x=kr,keZ.

C. x:%+k27r, keZ. D. xz%+k7z, kelZ.

Tdong cac nghiém phuong trinh tan (2x - 150) = | trén khodng (—900 ;90° ) bang
A. 30°. B. —60°. C. 0°. D. -30°.
S6 nghiém ctia phuong trinh tan3x—tanx =0 trén nira khoang [0;27) béng:
A. 1. B. 2. C.3. D. 4.
Phuong trinh tanx+1=0 c6 nghiém la
A.x=%+k7r(keZ). B.x=—%+k7r(keZ).
C.x=-2tkr (keZ). D.x=£+k7r,x=—£+k7r (keZ).
4 4 4
Tinh téng cac nghiém trong doan [0; 30] cua phuong trinh: tan x = tan 3x
A. 557, B. 17 C. 457. p. 297
2 2
Trong cic nghiém dwong bé nhét ciia cac phuong trinh sau, phuong trinh nao c¢6 nghiém dwong

nho nhat?

A. tan2x=1. B. tan(x—%j=\/§. C. cotx=0. D. cotx:—«/g.

Nghiém ctua phuong trinh tanx = _T\/g dugc biéu dién trén dudng tron luong gidc & hinh bén 1a

nhitng diém nao?
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y
B
D C
A’ A
X
E F
Bl
A.Diém F,diém D. B. biém C, diém F.
C.DPiém C, diém D, diém E, diém F . D.DPiém E, diém F .

Cau 132: S6 nghiém ctia phuong trinh tan x = tanzi—z[ trén khoang (%, 27r) 1a?
A. 4. B. 1. C. 2. D. 3.
Céu 133: Tong cac nghiém cta phuong trinh tan5x —tanx =0 trén nira khoang [0; 7z) bang:

A.S—”. B. 7. C.3—7r. D. 2x.

2 2
Céu 134: Tinh tong cac nghiém cta phuong trinh tan(2x - 150) =1 trén khoang (—900;900) bang.
A. 0" B. -30". C. 30". D. —60".

DANG 4. PHUONG TRINH cotx =m
Cau 135: Gidi phuong trinh cotx =3.
A.xed. B. x=3+kz (keZ).
C. x=arccot3+kr (keZ). D. x =arccot3+k27 (keZ).

Cau 136: Nghiém ctia phuong trinh cot(x+2)=1 la:

A.x=2+%+k27z,keZ. B.x=—2+%+k7z,keZ.

C.x=—2—%+k7r,keZ. D.x=2+%+kﬂ,keZ.

Cau 137: Tap nghiém ctua phuong trinh cot x = NG

A. {_ST”+k7z;kez}. B. {i%+kﬂ';keZ}.
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Cau 138:

Cau 139:

Cau 140:

Cau 141:

Cau 142:

Cau 143:

Cau 144:

C. {%+k7r;keZ}. D. {%+k27z;keZ}.

Giai phuong trinh cot(3x-1) = -3
Ax=2 T prker. B. x=Z M pez.
3 6 8 3
C. x=l+£+k—”,keZ. D. x=l+5—ﬂ+k—”,keZ.
3 18 3 3 18 3
Gidi phuong trinh cot%=\/§ .
A x=Zvkr (keZ). B.x= 2+ 27 (kem).
4 4 3
C. x=ZiB% ey D. x=Z:3 ey,
4 2 2 2
Téng tAt ca céc nghiém cta phuong trinh cot x =+/3 trén doan [0;27]bang.
AL B. % c.Z. p. 2%
6 6 6 3
Phuong trinh lugng giac 3cotx—/3=0 cb nghiém la:
A. X=%+k27r. B. V6 nghiém. C. x=%+kﬂ. D. x=§+/m.
Phuong trinh 2 cot x — J3=0 conghi¢mla
x=2 1k
A. 6 (keZ). B. x=21k2x (keZ)
Via 3
X=——+k2x
6
C.x=arccot§+k7r(keZ). D.x=%+k7z(keZ).
Giai phuong trinh cot(3x—1)= —3.
A. x=l+5—ﬂ+k£(kez). B. x=l+1+k£(kez).
3 18 3 3 18 3
C x—5—ﬂ+k£(keZ). x—l—£+k7[(keZ)
18 3
£ - , X R , 2r 1w .,
S6 nghi¢m cua phuong trinh 3cot 3x—/3=0 trén khoang (—7,5) la
A. 0. B. 1. C. 2. D. 3.

m n

. k : .
Cau 145: Nghiém cua phuong trinh cot(x+%j=\/§ c6 dang x=—£+—”, vol keZ va m, neN .

Cau 146:

Khi d6 m—n bang
A. -5. B. 5. C.3. D. -3.

86 nghiém cuia phuong trinh cot20x =1 trén doan [-507;0] 1a
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Cau 147:

Cau 148:

DANG 5.
Cau 149:

Cau 150:

Cau 151:

Cau 152:

Cau 153:

Cau 154:

Cau 155:

A. 980. B. 1001. C. 1000. D. 981.

Hoi trén doan [0;20187], phuong trinh J3cotx—3=0 c6 bao nhiéu nghiém?

A. 2018. B. 6340. C. 6339. D. 2017.

Phuong trinh cot3x = cot x c6 cac nghiém la:

A.x=%+k27r,keZ. B. x=kr,keZ. c.xz%”,kez. D.x=%+k7r,keZ.

MOT SO BAI TOAN TONG HQP
Trong cac phuong trinh sau, phuong trinh nao v nghiém?
A. tanx=99. B. cos 2x—§ = z?ﬁ C. cot2018x=2017. D. sin2x= —%.
Phuong trinh sinx =cosx c6 s6 nghiém thudc doan [—m; 7] la:
A. 3 B. 5 C.2 D. 4
. X .X
Giai phuong trinh (2 COSE — lj(sm 5 + 2) =0
A. x:izTﬁ+k27r,(keZ) B. x:i§+k27r,(keZ)
2
C. x=i§+k47z,(keZ) D. x=iTﬁ+k4ﬂ,(keZ)
Phuong trinh 8.cos2x.sin2x.cos4x =—/2 c¢6 nghiém la
-z .z 2 /4
R 168
A. (keZ). B. (keZ).
S 7w RV S 4
X=—+k— X=—+k—
L 32 4 L 16 8
xX= % + k% X= % + k%
C. (keZ). (keZ).
RV S 4 3 1w
x=—+k— xX=— —
8 8 L 32 4
Tim s6 nghiém cuia phuong trinh sin(cos2x)=0 trén [0;27].
A. 2. B. 1. C. 4. D. 3.
Trong khoang (0; 72') , phuong trinh cos4x+sinx =0 co6 tap nghiém la S'. Hay xac dinh S'.

A §={Z2E 3 T
10 10

S = 5;1;7_” _
6 10 10

Phuong trinh sin2x = cos x c6 nghiém la

B.s={%.3%L
6’10

_{1.51.31.71}

D‘S > > s
6 6 10 10
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Cau 156:

Cau 157:

Cau 158:

Cau 159:

Cau 160:

Cau 161:

Cau 162:

Cau 163:

Cau 164:

Cau 165:

 r kx 7 kx
x=—+= x=24 2

Al O 3 (kew). B.| ¢ 3 (kenm).
x:£+k27z x:£+k27z
L 2 L 3
i i 2
x=" 1k = Z KT

c| °  (kem). .| © 3 (kexm).
x:£+k27r x:£+k27r
L 2 L 2

Phuong trinh sinx = cosx ¢6 bao nhiéu nghiém x e (0;57)?

A. 3. B. 4. C.5. D. 6.

Nghiém cua phuong trinh sin3x =cosx la
A.x=k7r;x=k£. B.x=£+k£;x=£+kﬂ.

2 8 2 4
C.x=k27z;x=%+k27z. D.x=k7z;x=%+k7z.
Phuong trinh sin 2x+cosx =0 c¢6 téng cac nghiém trong khoang (O; 27[) bang
A. 2r. B. 37 . C.5rx. D. 6x.
S6 nghiém chung ctia hai phuong trinh 4cos* x—3=0 va 2sinx+1=0 trén khoang (—%,37”}
bang
A. 2. B. 4. C. 3. D. 1.
Giai phuong trinh sin xsin7x =sin3xsinSx .
A x=kmkel. B.x=*% rez. C.x=2irez. D.x= ez

6 4 2

Tim s6 nghiém ctia phuong trinh sin x = cos 2x thudc doan[O; 207[].
A. 20. B. 40. C. 30. D. 60.
S6 vi tri biéu dién cac nghiém cua phuong trinh tan 3x + cot(x —%) =0 trén dudng tron lugng
giac 1a?
A. 4. B. 2. C.0. D. 1.

. . T y A A <A 3 ). N L2 ~ \
Phuong trinh sin (x + ZJ + cos x = 0 c6 tap nghiém dugc bicu dién bdi bao nhi€u di€ém trén duong

tron lugng giac?

A. 1. B. 2. C. 4. D. 3.

Tim tdp nghiém § cua phuong trinh cos x.sin(Zx —%} =0.

A. S :{%+k7z;%+k7ﬂ,k ez}. B. S = {k180°%75°+k90° k € Z}
C.S= {kﬂ;i—;+k7ﬂ,k € Z} . D. S ={100°+k180°30°+£90° k € Z} .
Gidi phuong trinh 5sinx —sin2x =0
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Cau 166:

Cau 167:

Cau 168:

Cau 169:

Cau 170:

Cau 171:

Cau 172:

Cau 173:

A. x=k2rx (keZ). B.x:%+kﬂ (keZ).

C.x=kn (keZ).  D.Phuong trinh vo nghié¢m.

Giai phwong trinh sin (7 — x)— cos (% - 2xj =0
T k2w
A. S={k2z|k e} B. 5= k2r 2+ ke,
C.S:{kn,£+k2—”1kez}. D.S={£+k2—”|kez}
3 3 3 3

Nghiém 4m 16n nhit cua phuong trinh cos(4x —%) +sin” x =cos’ x
A2 L c. -1z p. - L.

36 36 12 12
Céc ho nghiém cua phuong trinh sin 2x—+3sinx=0 la:

x=krx x=krx x=k2x

r

A. . B. x=t—+kr. C. . D.

x:i%+k7r g 6 " x:i%+k27z x=+%+k27r

Giai phuong trinh cotx +sinx (1 + tan x.tan gj =4

S6 diém phan biét biéu dién cic nghiém phuong trinh sin2x —sinx =0 trén dudng tron lugng
giac la
A. 4 B. 1. C.2. D. 3.

S6 nghiém phwong trinh sindx _ 0 thudc doan [27;47] 1a

cosx+1
A. 7. B. 6. C. 4. D. 5.
. 3 2+4/3sin3x

Giai phuong trinh sau: 4sinx = V3 — V3

coSsx sin2x
(1—-2sinx ) cosx
(1 + 2sinx)(1 —sinx)

Cho phuong trinh:

(—20217;20217) ?

=3. Phuong trinh ¢6 bao nhiéu nghiém trén khoang
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| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

DANG 3.

Cau 115:

Cau 116:

Cau 117:

PHUONG TRINH tanx =m
Tim tat ca cic nghiém cuia phuong trinh tanx =m, (m € ]R).
A. x=arctanm+kz hodc x=r—arctanm+kz, (keZ).
B. x=ztarctanm+kz, (keZ).
C. x=arctanm+k2z , (keZ).
D. x=arctanm+kx, (keZ).
Loi giai
Taco: tanx=m < x=arctanm+kz, (keZ).
Phuong trinh tanx = V3 o tap nghiém la
A. {%+k27r,keZ}. B.J. C. {%+k7r,ke2}. D. {%+kﬂ,keZ}.
Loi giai

Tacc')tanx:x/g<:>tanx:tan§<:>x:§+kfr, kelZ.

S6 diém biéu dién nghiém ciia phuong trinh tan 2x = 1 trén dudng tron luong giac 1a
A. 6. B. 2. C. 8. D. 4.
Loi gidi

Ta 6 tan2x=1<:>2x=£+k7r<:>x=%+k—ﬂ(keZ).

Biéu dién trén duong tron luong giac ta dugc
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Cau 118:

sin

5m/8 4+ k2w

/8 4+ k2w

cos
97 /8 + k2w

137 /8 + k2=

Vay s6 diém biéu dién nghiém ciia phuong trinh tan2x=1 1a 4.
Cach khac

k2 , LR .2 .X ~ \ \ .z A
Ho cung o +——(k,neZ) c6 n diém biéu dién trén duong tron lugng giac nén
n

x= %+k77[ = % + k?Tﬁ(k €Z) ¢6 4 diém biéu dién trén dudng tron luong gia C.
Nghiém ctia phuong trinh tan(x+1)=1 Ia

A. x=1+kz (keZ). B. x=—l+%+k7[ (keZ).

C.x=kz (keZ). D. x=—1+%+k.180° (keZ).

Loi giai

Ta co: tan(x+l):1<:>x+1:%+k7zc>x=—1+%+kﬂ' (keZ).

Cau 119:

Cau 120:

Nghiém ctia phuong trinh tan3x =tanx la
A.x:]%[,keZ. B.x=kn,keZ. C.x=k2r, kel D.x=%”,kez.
Loi giai

Ta co tan3x=tanx<:>3x=x+k7z<:>x=k7ﬂ, kel.

Trinh bay lai
x¢7l'+k7l'
3x#0 6 3
b {cosx 3 *)
cosx =0
x#*—+kr

Taco tan3x=tanx<:>3x=x+k7r<:>x=k7ﬂ, k € Z.Kéthop diéukién (*)suyra x=kz, ke Z

Phuong trinh tan (3x—-15°) = V3 ¢6 cac nghiém la:

A. x=60°+£k180°. B. x=75°+k180°. C. x=75°+k60°. D. x=25°+k60°.
Loi giai

Ta c6: tan (3x—15°) =+/3 < tan (3x—15°) = tan 60° <> 3x —15° = 60° + k180°
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Cau 121:

Cau 122:

Cau 123:

Cau 124:

Cau 125:

& x=25°1k60°(k e Z).

Phuong trinh lugng giac: J3.tanx+3=0 c6 nghiém la:
A x=Zvkr. B. x=-2+k2rx. C.x=Z+kr. Q.X=—£+kﬂ'.
3 3 6 3
Loi giai

\/g.tanx+3:0<:>tanx:—\/§<:>x:—§+k7r.

Giai phuong trinh: tan” x =3 c6 nghiém la:
A. x:%+k7z'. B. x:—%+kﬂ'. C. x:i§+k7r. D. v6 nghiém.
Loi giai

tanzx:3<:>tanx:ix/§<:>x:i%+kﬂ,keZ.

Nghiém cua phuong trinh V3 +3tanx=0 la:
A x=—Zikr. B.x=2+kr. C.x="vknr. D. x=Z+k2rx.
6 2 3 2

Loi gidi
\/§+3tanx:0©tanx:—T3<:>x:—%+kﬂ(keZ).

Gidi phuong trinh Btan2x-3=0.
A x=Ztkr (keZ). B.x=2+kZ (keZ).
6 3 2

C.x=Z+kr (keZ). D. x=2+kZ (keZ).
3 6 2

Loi giai

\/gtan2x—3=0<:>tan2x=\/§ <:>2x:%+k7r @x:%+k§(keZ).

Ho nghiém cua phuong trinh: tan(x —%) -1=01a

A. x:%+k7z,keZ. B. x=kr,keZ.

C. x=%+k27r, keZ. D. x=%+k7[, kel.
Loi giai

Ta co tan x—Z -1=0< tan x—Z :1c>x—£=£+k7r©x=£+k7r.
4 4 4 4 2

Vay nghiém cua phuong trinh 14 x = % +kr, kel.
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Cau 126:

Cau 127:

Cau 128:

Cau 129:

Téng cac nghiém phuong trinh tan (2x - 150) = | trén khodng (—900 ;90° ) bang
A. 30°. B. —60°. C.0°. D. -30°.
Loi giai

Ta c6 phuong trinh tan (2x—15") = 1< 2x—15° =45° + £180° < x =30" + k90’

véi keZ.

k=-1 =-60°
Xeét: ~90° <30° +490° <90° > <k <2 —|M .
3 3 k=0 x2:3()°

Vay x, +x, =-30".

S6 nghiém ctia phuong trinh tan3x—tanx =0 trén nira khoang [0;27) béng:
A. 1. B. 2. C.3. D. 4.
Loi giai
T krx
3 cos3x#0 X7 6 +T
biéu kién: { = (keZ) (*)
cosx =0
x#—+kr

Ta co: tan3x—tanx:0©tan3x:tanx©3x:x+k7r<:>x:k7ﬂ,mez.
Vi 03x<27r©0£%<27z’©0£m<4.Mé meZ nén m={0;1;2;3}.

Khi d6 nghi¢m x nhén gié tri twong tmg trén nira khoang [0;7) 1a: x = {0;%;7[;377[}.
Vay sb nghiém can tim 14 4.

Phuong trinh tanx+1=0 c6 nghi¢m la

A. x=%+k7z (keZ). B. x:—§+k7r (keZ).

C.x=—%+k7r (keZ). D.x=%+k7r,x=—%+k7r (keZ).
Loi giai

Ta co tanx+l=0<:>tanx=—1<:>tanxztan(—%j@xz—%+k7z (keZ).

Tinh téng cac nghiém trong doan [0; 30] cua phuong trinh: tan x = tan 3x
A. 557. g. % C. 451, p. 1297
2 2
Loi giai
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Cau 130:

Cau 131:

#Zk
cosx =0 X 2 7
©)

cos3x=0 T krx

Diéu kién dé phuong trinh c6 nghia {
X#E—+—

Khi d6, phuong trinh 3x=x+kr < x = k77r so sanh voi dk

x=k2rx

vegikon S [0;30]= k ={0;...;4} = x €{0; 7;27;...;97}

Vay, tong cac nghiém trong doan [0;30] cuia phuong trinh 1a: 457.

Trong cac nghiém duong bé nhét cua cic phuong trinh sau, phuong trinh ndao c¢6 nghiém duong
nho nhat?

A. tan2x=1. B. tan(x—%j=\/§. C. cotx=0. D. cotx=—/3.
Loi giai

A. tan2x:1<:>tan2x=tan£<:>2x:£+k7r<:>x:£+k£(keZ).
4 4 8 2
B. tan| x— = :\/§c>x—£:£+k7r<:>x:7—”+k7r(keZ).
4 4 3 12
‘A r 1AL 1A T
= Nghiém duong bé nhat 1a xZE.
C. cotx:0<:>cosx=0<:>x:%+k7z(keZ):> Nghiém dwong bé nhat 1a ng.
D. cotx:—x/§<:>cotx:cot(—%j<:>x:—%+k7r(keZ).
A , £, 1 Sw
Chon k =1= Nghiém duong bé nhat la x:?.
Vay gia tri nho nhit [a x:% nén ta chon dap an A.

Nghiém cta phuong trinh tan x = _—33 dugc biéu dién trén duong tron luong giac ¢ hinh bén 1a

nhitng diém nao?
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y
B
D C
A’ A
X
E F
B !
A.DPiém F, diém D. B.Piém C, diém F .
C.DPiém C, diém D, diém E, diém F . D.DPiém E, diém F .
Loi giai

tanx=—<:>x=—£+k7z, kel.
3 3
- T, . 2r
Voi O<x<27r:>x=—§ hoac x:T.

Cau 132: S6 nghiém ctia phuong trinh tan x = tan?—zr trén khoang (%, 27[] 1a?

A. 4. B. 1. C.2 D. 3.
Loi gidi.
, RY/4 RY/4
Tacd tanx = tanﬁ<:> X =ﬁ+kﬂ'(k eZ).

Do xe(%;%fj—)%<i—?+k7[<2ﬁ%—>—0,027_"62_>k e{O;l}.

Cau 133: Tong cac nghiém ciia phuong trinh tan 5x —tanx =0 trén nira khoang [0; 71') bang:
A. 5—” B. x. C. 3—”
2 2
Loi giai:

D. 2rx.

Ta co: tanSx—tanx =0 < tan5x = tan x <:>5x=x+k7z<:>x:1iTﬂ-(keZ)
Vi x€[0;7), suyra OSIiTﬂ<7z<:>OSk<4&>k:{O;l;2;3}

Suy ra céc nghiém ctua phuong trinh trén [O; 71') la {O;%;%;%}
Suy ra 0+£+£+3—”=3—”
4 2 4 2
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Cau 134:

DANG 4.
Cau 135:

Cau 136:

Cau 137:

Cau 138:

Tinh tong cic nghiém ctia phuong trinh tan (2x - 150) =1 trén khoang (—900;900) bang.
A. 0", B. -30°. C. 30". D. —60°.

Loi gidi.
Taco tan(2x—15")=1<> 2x—15° = 45" +£180° & x =30° +£90° (k € Z).

Doxe(—90°;90°) 90" <30° +£90° < 90° <> —§< k<§

k=-1-x=-60

s — —60" +30° =-30".
k=0-—x=30
PHUONG TRINH cot x = m
Giai phuong trinh cotx = 3.
A.xed. B. x=3+kz (kelZ).
C. x=arccot3+kz (keZ). D. x =arccot3+k27 (keZ).
Loi giai

Ta co: cotx =3 < x=arccot3+kx (keZ).

Nghiém ctia phuong trinh cot(x+2)=1 la:
r T
A.x=2+z+k27z,keZ. E.x=—2+z+kﬂ',k€Z.
r r
g.x=—2—z+k7r,keZ. D.x=2+z+k7z,keZ.
Loi giai

cot(x+2):1<:>cot(x+2):cot%<:>x:—2+%+k7z véi keZ.

Tap nghiém ctua phuong trinh cot x = NG
A. {_ST”HW; k GZ}. B. {i%+k7f; k ez}.
C. {%+kﬂ'; k ez}. D. {%wzm k ez}.

Loi giai

Ta cé: cotx =3 @cotx:cot%cwc:%+k7r (keZ) <:>x:_T+k7: (keZ).

Giai phuong trinh cot(3x-1) = -3
A x=i T iknker. B. x=2 M7 teq.
3 6 8 3
Coxeli Z K57 peu, D. x=itZ M7 ey
3 18 3 3 18 3
Loi giai
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Ta cod cot(3x—1)=—\/§<:>3x—l=5—ﬂ+k7r<:>x=l+5—” kz keZ.
6 318 3
Cau 139: Giai phuong trinh cot% =3.
A x=Lrkn (keZ). B.x=24+2" G emy.
4 4 3
g.x_% "3—”(/{ 7). D.x-% 3k—”(k 7).

Loi giai
Ta co: cotﬁzx/g < cot%=cot£<:>%=—+kﬂ' = x—£+k3—ﬂ(k 7).
3 3 6 3 6 4
CAau 140: Téng tAt ca céc nghiém cuia phuong trinh cot x =+/3 trén doan [0; 27 ] bang.

AL B. /7. c.F p. 3%

6 6 6 - 3

Tacécotx=ﬁ©x2%+k7r, (ke).

Ma x €[0; 27| nén phuong trinh c6 cac nghiém thoa man 1a x = % X = 7?7[ )
Ao A , ST ¥ 4
Vay tong cac nghiém la 3
Cau 141: Phuong trinh lugng gidc 3cotx — J3=0 ¢o nghiém la:
A. X:§+k27r. B. V6 nghiém. C.x=%+k7r. D. X=§+k7z'.

Loi giai
Ta co 3c0tx—\/§:O<:>cotx:g<:>cotx=cot(§j<:>x=§+k7r, (keZ).

Cau 142: Phuong trinh 2 cot x — J3=0 conghi¢mla

r
X=—+k2x
Al O (keZz). B. x=Z+k2r (keZ)
V/a 3
X=——+k2x
6
C. x:arccot§+kfr (keZ). D. x:%+k7r (keZ).
Loi giai
Ta co 2cotx—\/§=0<:>cotx=§ <:>x=arccot£+kﬂ (keZ)
Cau 143: Giai phuong trinh cot(3x—1) = —3.
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Cau 144:

Cau 145:

Cau 146:

A x=2127 1 P (ke z) =i Tk P (kez)
3 18 3 3 18 3
C.x=" k% (keZ). D. x=+-Zskn(keZ).

18 3 3 6
Loi giai.
Ta c6 cot(3x—1)=—\/§<:>cot(3x—1)=cot(—%j.
<:>3x—1:1+k7z<:>x:l—£+k£L)x:l+£.
6 3 18 3 3 18
£ - , X R , 2r 1w .,
S6 nghi¢m cua phuong trinh 3cot 3x—+/3=0 trén khoang (—7,5) la
A. 0. B. 1. C.2. D. 3.
Loi giai

+) Ta co tan3x=73<:>3x=%+k7r, keZ<:>x=%+kTﬁ, kel.

2r W 2r 1w kr &« T krw
S — <= ——<—< 0 -1<k<0.
9 9 3 9 3 3

Vi k € Z nén khong co gia tri nao cua k théa man.

Vay phuong trinh da cho khong c6 nghiém nao trén khoang (—2{ ,%) .

k .
Nghiém cta phuong trinh cot(x+%j=\/§ c6 dang x=—£+—ﬂ, voi keZ va m, neN .
m n

Khi d6 m—n bang
A. -5, B.5. C.3. D. -3.
Loi gii

Ta cod cot(x+§j=\/§ <:>cot(x+§]:cot% <:>x+%:%+k7r <:>x=—%+k7z,(keZ).

m=6
Véy{ >m-n=35.
n=1

86 nghiém cuia phuong trinh cot20x =1 trén doan [-507;0] 1a

A. 980. B. 1001. C. 1000. D. 981.
Loi giai

Taco cot20x=120x =2t hkr = x="+kZ keZ.
4 80 20

Véi x=" vk —507<x<0 suyra —507 <+ kL <0 507 <k <
20 80 20 80 20 80
@—1000—%Sk§—%,k€Z.DO do k e{-1000,-999,...,—1}.
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Cau 147:

Cau 148:

DANG 5.
Cau 149:

Cau 150:

Vay phuong trinh da cho c6 1000 nghiém trén [-507;0].

Hoi trén doan [0;20187], phuong trinh J3cotx—3=0 c6 bao nhiéu nghiém?
A.2018. B. 6340. C. 6339. D. 2017.
Loi gidi

Ta co: \/gcotx—3=0<:>cotx=x/§<:>x=%+k7z (kez).

Vi x €[0;20187] nén ta co: O£%+k7r£ 20187 @—%Skﬁ—%+2018.

Vi keZ nén k €{0;1;2;...;2017}.

Vay phuong trinh da cho c¢6 2018 nghiém.

Phuong trinh cot3x = cot x c6 cac nghiém la:
A.x:§+k2ﬂ,keZ. B. x=krn,keZ. C.xszﬂ,keZ. Q.x=%+k7r,keZ.
Loi giai
sin3x #0 x=kZ
DbKXD: < . &
sinx # 0
x#kx

Phuong trinh twong duong:

cos3x  cosx

. . ) T
- —— <> sinxcos3x —cosxsin3x=0 <sin2x=0x=k—
sin3x sinx 2

: A 1ea , - , . T
Két hop dicu kién ta dugc cac nghiém ctua phuong trinh: x = 7 +krx

MOT SO BAI TOAN TONG HQP

Trong cac phuong trinh sau, phuong trinh nao v nghiém?

21

A. tanx =99. B. cos 2x—§J:?. C. cot2018x=2017. D. sin2x=—%.

Loi giai

Chon B

Vi ZTW >1 la nén phuong trinh cos [Zx — %] = 2% vo nghiém.

Phuong trinh sinx =cosx ¢ s6 nghiém thudc doan [—m; 7] la:

A3 B.5 C.2 D. 4
Loi giai

Chon C
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Cau 151:

Cau 152:

Cau 153:

Ta c6 sinx =cosx < 2sin[x—§}=0<:>x—§=knc>x:§+kn(keZ)
Trong [—m; 7| phuong trinh c6 hai nghiém

. x X
Giai phuong trinh (2 cosE—lj(sm5+ 2) =0

A. x:izTﬂ+k27r,(keZ)

C. x:i%+k4ﬂ,(keZ) D x:+—+k47r,(keZ)
Loi giai
Chon D
. X X
Vi —ISsmESI, VxeR2>51nE+2>0
Vay phuong trinh tuong duong
2cos£—1=O<:>cos£=l<:>£=i£+k27r
2 2 2 2 3
<:>x=i2?ﬂ+k47z,(keZ)
Phuong trinh 8.cos2x.sin 2x.cos4x =—+2 c6 nghiém la
-1 .z oz T
T SETRREY
Al 3 (keZ). B. (keZ)
- S 7w RV SN 4
x=""—+k=— x=—+k—
L 32 4 L 16 8
x=T k> x=%+k%
c.| % % (kenm). p.| 3 (keZ)
RV SN 4 3 1w
x=""+k= x=—+k—
L 8 8 32 4
Loi giai
Ta co:
: : . . 2
8.c0s 2x.5in 2x.cos 4x = —/2 < 4.sin4x.cosdx = —/2 < 2.s5in8x =2 <:>sm8x=—7
x=—3£2+k%
@sinSx:sin(—Z] =N (keZ).
4 St 7w
X=—+k—
32 4
Vay phuong trinh c¢6 nghiém (keZ).
Sm V4
X=—+k—
32 4
Tim s6 nghiém cuia phuong trinh sin(cos2x)=0 trén [0;27].
A. 2. B. 1. C. 4. D. 3.
Loi giai
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Cau 154:

Cau 155:

Cau 156:

Ta c6 sin(cos2x)=0< cos2x=kz (k€ Z)
Vi coste[—l;l]:k:O:cos2x=0©2x:%+kl7r<:>x=%+k1% (k, EZ).

xe[0;27]= k €{0;1;2;3}.

Vay phuong trinh ¢6 4 nghiém trén [0;27].

Trong khoang (0;7), phuong trinh cos4x+sinx =0 c6 tdp nghiém la S . Hay xé4c dinh S
A. S = ﬁ;z_”;3_”;7_” _ B. S= £;3_” _
33 10 10 6 10
s_|E.xIxl D. §={E 3% 3% Tx|
6 10 10 6 6 10 10
Loi giai

Ta c6 cos4x+sinx =0 < cos4x = —sin x < cos4x = sin (—x) < cosdx = cos (EJF x]

4x="rx+k2n x:£+k2—”
& 2 = 6 32 ,kel.
4x=-2_x+k2x x=-2 1k Z
2 10 5
Vi xe(0;7) nén S = 1;5—ﬂ;3—ﬂ;7—ﬂ )
6 6 10 10

Phuong trinh sin2x = cos x c6 nghiém la
[z krm [ 7 kx
X=—+— X=—+—

Al % 3 (ken). B.| ©° 3 (kez).
x="ykox x="ykon
) L 3
X=—+k2r x=Z K2z

C (keZ) .| ¢ 3 (kez)
xX=—+k2rx xX=—+k2x

Loi giai
n km
X=—+—
sin2x=cosx<:>sin2x:sin[£—xj<:> 6 3 (keZ).
2 /2
xX=—+k2x
2
Phuong trinh sin x = cosx ¢6 bao nhiéu nghiém x e (0;57)?
A. 3. B. 4. C.s. D. 6.
Loi giai
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. Vg
Ta cod s1nx:cosxc>tanx:1<:>xzz+k7z, kelZ.

Vi xe(0;57) nén ta co O<%+k7r<57z,keZ@—%<k<¥,keZ.

Do do, k€{0,1, 2,3, 4}.

Suy ra phuong trinh c6 5 nghiém thudc (0;572') la %, 5—7[, 9—”, 13—”, 17—”

4 4 4 4
Cau 157: Nghiém cta phuong trinh sin3x =cosx 1a
A.x=k7[;x=k£. E.x:£+k£;x:£+kﬂ.
2 8 2
C.x=k27z;x=%+k27z. D.x=k7z;x=%+k7z.
Loi giai

3x=2—x+k2x x=2+kZ
. _ . . (72' j 8 2
sin3x=cosx <> sin3x=sin| ——x | < & .

2 V4 T
3x:7z—5+x+k27r x=z+k7r

Cau 158: Phuong trinh sin 2x+cosx =0 c6 tong cac nghiém trong khoang (O; 27[) bang

A. 2rx. B. 37. C.5rx. D. 6r.
Loi gidi
x=2tkn
2
. ) cosx=0 T
sin2x+cosx=0< 2sinxcosx+cosx=0<| | x=——+k2z,(keZ)
2sinx+1=0 6
x:7—ﬂ-+k27r
6
xe(0;27)=>x= Z;‘Q’—ﬂ;ﬁj—;Z
22 6 6

=S=5r.
Cau 159: S6 nghiém chung ciia hai phuong trinh 4cos> x—3=0 va 2sinx+1=0 trén khoang (—%,37”]

bang
A. 2. B. 4. C.3. D. 1.
Loi giai

] Trén khoang (—%,37”} phuong trinh 2sinx+1=0<sinx = —% c6 hai nghiém la —% va

T

6
') Ca hai nghiém nay déu théa phuong trinh 4cos’> x—3=0.
] Vay hai phuong trinh c6 2 nghi¢m chung.
Cau 160: Giai phuong trinh sin xsin 7x = sin3xsin Sx .
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Cau 161:

Cau 162:

A x=kmkel. B.xz%”,kez. g.xz%”,kez. D.xz%”,kez.

Loi giai

Ta co: sinxsin7x =sin3xsin5x < cos6x —cos&8x =cos2x—cos8x .

_kr
6x =2x+k2r7 =5 kr
& cosbx =cos2x & = oSx=—)kel.
6x=-2x+k2rx x_k_ﬁ 4
4
Tim s6 nghiém ciia phuong trinh sinx = cos 2x thudc doan[0;207].
A. 20. B. 40. C. 30. D. 60.
Loi giai
Chon C
. 1
o . . sinx=—
Tacod sinx=cos2x < sinx=1-2sin" x & 2.
sinx =—1
1 x=2 1k
sinx=5 o 56 (keZ).
x=%+k27z

sinx:—1<:>x=—§+k27r (keZ)

Xét x €[0;207]:

Véi x=Z 4 k2 tace 0< k27 <207 < - <k <2 4o keZ nén.
6 6 12 12
Vi xzs—ﬂ+k27z,tacc’> 035—7[+k27z£207z®—i£k££,d0 k € Z nén.
6 6 12 12
1 41

Véi x:—§+k27£,tacé 0£—%+k2ﬂ£20ﬂ@zgksf,do k €7 nén.

Vay phuong trinh da cho ¢6 30 nghiém thudc doan [0;207].

S vi tri biéu dién cac nghiém cua phuong trinh tan 3x + cot [x —%) =0 trén duong tron luong
giac 1a?
A 4. B. 2. C.0. D. 1.
Loi gidi

cos3x =0 vz X k.
PK: | | ( ﬂj o 3 (%)

sinf x—— |#0

2 x#—+kr
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Ta cod tan3x = —cot(x—%}

< tan3x =—tan(—x)
&< tan3x =tanx
k
@3x:x+k7z@x:7”, keZ.
Két hop diéu kién (*) suyra x=kz, k € Z nghiala c6 2 diém bicu dién trén duong tron luong
gia C.
Cau 163: Phuong trinh sin (x + %) +cos x = 0 ¢6 tap nghiém dugc biéu dién boi bao nhiéu diém trén duong

tron lugng giac?
A. 1. B. 2. C. 4. D. 3.
Loi gidi

) b4 ) T ) T T T
sin| x+— |[+cosx=0 ©sin| x+— |=sin| x—— | ©Sx+—=x—-x+—+k27
4 4 2 4 2

<:>2x:57”+k27r @x:%ﬁ-kﬁ.

5 2 X o 42 .
Cung x = ?ﬂ + k7 biéu dien dugc hai diém trén duong tron luong giac.

Cau 164: Tim tap nghiém S cia phuong trinh cos x.sin(Zx —gj =0.

A. S:{%+k7z;%+k7ﬂ,keZ}. B. S={k180°;75°+k90°,keZ}.
C. S:{kﬂ;s—g+k7ﬁ,keZ}. D. S={100°+k180°;30°+k90°,keZ}.
Loi gidi
cosx =0 x="kn x="skn
Ta co: cosx.sin 2x—£ =0 T = 2 = 2 kelZ.
3 sin| 2x—— |=0 Vs T krx
3 2X——:kﬂ' ng‘f-T

Vay tap nghiém cta phuong trinh da cho la: § = {%-‘r kﬁ;%-l— ]%r,k € Z} .

Cau 165: Giai phuong trinh Ssinx —sin2x =0
A x=k2z (keZ). B.x=%+k7z (keZ).

C.x=kn (keZ).  D.Phuong trinh v nghiém.

Loi giai
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Cau 166:

Cau 167:

Cau 168:

. . . . . sinx =0
Ssinx—sin2x =0 < 5sinx—2sinx.cosx =0 @smx(S—zcosx):O =
5—-2cosx=0

+) sinx=0< x=krx (keZ)

+) 5—2cosx:0<:>cosx:§

Giai phwong trinh sin (7 — x) - cos (% - 2xj =0
A. S={k2z|keZ}. B.S={k27r,%+szﬁ|keZ}.
C. s=lizZ 2% p el D.s=1Z:827 ey
3 3 3 3
Loi gii

2x=x+k2rx

sin (7 —x)—cos Z _2x|=0 < sinx—sin2x =0 < sin 2x = sin x <
2 2x=mw—-x+k2x

x=k2x
Xx=—4—
3 3
Nghiém 4m 16n nhit cua phuong trinh cos(4x —%) +sin® x = cos’ x
A. —3—57z. B. —Hﬂ'. C. —ll—ﬂ. ) Y
36 36 12 12

Loi gidi

AN T .
cos(4x —gj +sin’ x =cos’ x < cos(4x —EJ =cos® x—sin’ x

= cos(4x —%) =Ccos2x

4x—£:2x+k2ﬂ' x=£+k7r

= = 12 (keZ)
ax-Z - ox+kon | x=LsiZ
6 36 3

Ta c6 mdi ho nghiém 1an lugt co cac nghi¢m am lon nhat 1a:
V2 Nz 7 x_ 1z

2736 3 36

X

= ——7T [
12 12

;X
A A A g £ N 11
Vay nghi¢ém am 16n nhat ciia phuong trinh 1a x = —gﬂ' .

Cac ho nghiém cua phuong trinh sin2x — V3sinx=0 1a:
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x=kr . x=krx x=k2rx
A x=xZ1ikrn BOx:igijﬁ. < x=+Zykon’ ) x:i%+k27r'
Loi gidi
Ta co sin2x—«/§sinx=0<:>sinx(2cosx—x/§)=0
sinx=0 x=kx
= cosng Tl y=+Zikon

Cau 169: Giai phuong trinh cot x +sin x[l + tan x.tan %} =4

Loi gidi
sinx #0 '
sin2x =0
X T
PK: Jcos=#0 < x oxzr—, (keZ)
2 cos—=0 2
cosx =0
) X
cotx+smx(1+tanx.tan§j:4
.X x . .X
oS x sinx S5 oS x COS X.COS — +sin x.sin —
—— +sinx| 1+ — 2|4 ——+sinx 2 2 -4
X X
sin x cosx ¥ sin x oS x.cos >
2
X
cos| x—= .
cosx . 2 COSXx SInx .
——+sinx] —— |=4 < ——+——=4 < 4sinxcosx =1
1n X 1nx X
Sin x COS X.COS — S cos
2
T
x=—++kr
) 1 12 \ o atA 1A
Ssin2x=— << , (keZ) Thoa man di€u kién
2 Y4
x=—+kr
12

Vay, nghiém cta phuong trinh 13 x = % +kmx= % +kr (keZ)

Cau 170:  S6 diém phan biét biéu dién cac nghiém phwong trinh sin 2x—sinx = 0 trén duong tron luong
giac la
A. 4 B. 1. C.2. D. 3.
Loi giai
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Cau 171:

Cau 172:

sinx=0

Ta c6: sin2x—sinx =0 <> 2sinxcosx—sinx =0 < sinx(2cosx—1)=0 <

COSX =

PP S

Cac diém bicu dién tap nghiém trén dudng tron lugng giac nhu sau:

+ Céc diém A, B biéu dién cho nghiém ciia phuong trinh sinx=0.
2 2 X . 1
+ Cac diém C, D biéu dién cho nghiém cuia phuong trinh cosx = 3

Vay c6 tat ca 4 diém biéu dién nghiém ctia phuong trinh.

S6 nghiém phwong trinh sindx _ 0 thudc doan [27;47] 1a
cosx+1
AT, B. 6. C. 4. D.5.
Loi giai

Piéu kién: cosx+1#£0< x =7 +k27.

sin 3x

Ta co :O:>sin3x:0©x:k%(keZ).

cosx+1

So voi diéu kién nghiém cta phuong trinh 1a x = kTﬁ VOi keZ, k#3(21+1)

Vi 27TSXS47[<:>27Z'SkTﬂS47T<:>6SkS12 nén ta chon k €{6,7,8,10,11,12} .

\/§ B 2\/§Si1’13x

CcoSx sin2x
Loi giai

Giai phuong trinh sau: 4sinx =

Diéu kién: sin2x # 0 < x # k%(k €Z).

\@ B ZﬁsinSx

COSX sin2x

Ta cod: 4sinx =

& 4sin? xcosx =~/3sinx —+/3 sin3x

< 2(1-cos2x)cosx = 3sinx —+/3sin3x

N |~

Swu tdm va bién soan
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CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC
<> 200SXx—2c0S2XC0SX = \/gsinx— 3sin3x
<> 2cosx —(cos3x +cosx) = 3 sinx — /3 sin3x

= 3sin3x—cos3x:\/§sinx—cosx

. . x=kr
Ssin| 3x—— |=sin| x—— | & kel).
( 6) ( 6j x:§+k%( )

So vai diéu kién, suy ra phuong trinh ¢6 1 ho nghiém: x = % + k%(k € Z) .

(1—-2sinx ) cosx
(1+2sinx)(1—sinx)

Cau 173:  Cho phuong trinh: =3. Phuong trinh c¢6 bao nhiéu nghiém trén khoang

(-20217;20217) ?
Loi giai
sinx #1

bK: 4 .
sinx # ——
2

(1-2sinx )cosx

(1+2sinx )(1-sinx) =3

= cosx —sin 2 X = /3 — /3 sinx+ 2+/3 sinx— 2+/3 sin’x
& cosx—sin2x = \/5 sinx+ \/gcos2x

& cosx—+/3sinx =sin 2 X+ \/Ecos2x

. (T ) Vi
< sin| ——x |[=sin| 2xX+—
(6 j ( 3)

T k2x
x=—_+_
- 18 3
x=£+k27z
2
Két hop véi didu kién ta c6 x=_%+"27”
T k2w 1 k2

xe (—2021%;202172') nén —-20217 < _ﬁJFT <2021r < -2021< —EJr? <2021

.= -3031,42<k<3031,58. Do keZ =ke {—3031;—3028; ...... ;3031}

= k €{-3031;-3030;......;3031}

Page 19
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Vay c6 3031—(-3031)+1=6063 nghiém thoa man.

Page 20
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| CHUONG |

HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

Cau 1:  Tim tit ca cac gid tri thuc ciia tham sé m dé phwong trinh: sinx =m+1 c6 nghiém?
A.1<m. B. 0<m<l1. C. m<0. D. 2<m<0.
Cau 2: Tim tit ca cac gia tri thuc ciia tham sé m dé phuong trinh sin x = m c6 nghiém thuec.
A.m=0. B. m<0. C.-1<mx<l. D. -1<m<1.
Cau 3:  C6 bao nhiéu gi4 tri nguyén ciia tham s6 m dé phwong trinh 3sin2x—m? +5=0 c¢6 nghiém?
A. 6. B. 2. C. 1. D. 7.
Cau4: C6 bao nhiéu gia tri nguyén ctia m dé phuong trinh: 3sinx +m—1=0 c6 nghiém?
A.7 B.6 C.3 D.5
Cau 5:  Tim tat ca cac gia tri thuc cua tham sb m dé phuong trinh cosx —m =0 vo nghiém.
A. me(—o0;—1)U(L;+x) B. m e (—o0;—1]U[1;40)
C. me(1;+0) D. m e (—o0;—-1)
Cau 6:  Cho phuong trinh cos(2x —%) —m=2.Tim m d phuong trinh c6 nghiém?
A.Khéngtontai m.  B. me[-1;3]. C. me[-3;-1]. D. meR.
Cau7: C6bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh cosx =m+1 c6 nghiém?
A. V6 8. B. 1. C. 2. D. 3.
Cau8: C6 bao nhiéu gia tri nguyén cua tham s6 mthudc doan [-2018;2018] dé phuong trinh
mcosx+1=0 c6 nghi€ém?
A. 4036. B. 4037. C. 2018. D. 2019.
Cau9: Tim m dé phuong trinh sin3x—6—-5m =0 c6 nghiém.
- - m2>—1 m>—1
A ——<m<-1. B. ——<m<-1. C. 7. D. .
5 5 m<—— m<——
5
Cau 10: Tim m dé phuong trinh (m + 1) sin2x =1-2m—sin2x c6 ding 2 nghiém thudc {%, 2%) .
Page 98

Swu tdm va bién soan



CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cho phuong trinh cos5x =3m—5. Goi doan [a;b] 1a tap hop tat ca cac gi tri cia m dé phuong

trinh c¢6 nghiém. Tinh 3a+5b.

A. 5. B. 2. C.?. D. 6.

Goi S 1a tap hop tat ca cac gia tri nguyén cia tham s6 m dé phuong trinh cos(2x —%) -m=2

c6 nghiém. Tinh téng T cta cac phan tir trong S.
A. T=6. B. T =3. C.T=-2. D. T =-6.

C6 tit ca bao nhiéu gia tri nguyén cua tham sé m dé phuong trinh V3cosx+m—1=0 cb
nghi¢m?
Al B. 2. C.3. D. Vo sb.

Tim gia tri thyc ctia tham s6 m dé phuong trinh (m - 2) sin2x =m+1 nhan x = % lam nghiém.

2(\/§+1)
. m:W.

Tim tat ca cac gia tri ctia tham s6 m dé phuong trinh (m + l)sinx +2-m=0 c6 nghiém.

A. m<—1. B.mzl. C. —1<m£%. D. m>-1.

2

A. m#2. B C. m=-4. D. m=-1.

Phuong trinh sin 5x = m c6 nghiém khi
A.|m|£5. B. m<5. C.|m|£1. D. m<1.

Tim tat c4 céc gi tri cua tham so6 m dé phuong trinh cos® x = m —1¢6 nghiém.

A.m<2. B.1l<m<?2. C.m=>1. D.1<m<2.
Tim m dé phuong trinh cosx —2m +1=0c6 nghiém.
A.m>—%. B. 0<m<l1. C.0<m<l. D.mZ—%.
Phuong trinh m.cos x—1=0 c6 nghiém khi m théa man diéu kién
m=>—1 m<—1
A. . B. . C.m=>-1 D. m=>1.
m<1 m=>1

C6 bao nhiéu gia tri nguyén cua tham s6 m dé phuong trinh 2sin 2x +7 — m = 0 ¢6 nghiém?
A. 4. B. 5. C.6. D. Vo sb.

Tim m dé phuong trinh cos2x = m —1¢6 nghiém.
A.0<m<2. B. -1<m<l1. C.-2<m<2. D.0<m<I.

Tim tat ca cac gia tri thuc cta tham sé m dé phuong trinh cosz(g —%) = m c6 nghiém.
A. —-1<m<1 B. m<1. C. m>0. D. 0<m<1.
C6 bao nhiéu s6 nguyén m dé phuong trinh 3 cos(x +%J —m+5=0c6 nghiém?

A.S. B. 7. C.o6. D. 9.

Page 99
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Céu 24: Tim m dé phuong trinh \/Esin(x + %) =m c6 nghiém x € [O;%) .

m>1

A. . B.1<m<+2. C.1<m<+2. D. l<m<A2.
msﬁ
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HAM SO LUQNG GIAC
VA PHUONG TRINH LUQONG GIAC

| CHUONG |

BAI 4: PHUONG TRINH LUQNG GIAC CO BAN

@ HE THONG BAI TRAC NGHIEM.

Cau 1: Tim tit ca cac gia tri thyc ctia tham s6 m dé phuong trinh: sinx =m+1 c6 nghiém?

A.1<m. B. 0<m<1. C. m<0. D. 2<m<0.
Loi giai

Phuong trinh: sinx=m+1 ¢6 nghiém < -1<m+1<1< -2<m<0.

Cau 2: Tim tit ca cac gia tri thuc ctia tham sé m dé phuong trinh sin x = m c6 nghiém thuec.
A.m=>0. B. m<o0. C.-1<mx<l. D.-1<m<1.

Loi giai

Do —-1<sinx <1, Vx € R nén phuong trinh sin x =m c6 nghiém khi va chi khi —-1<m<1.

Cau3: C6 bao nhiéu gia tri nguyén ciia tham s m dé phwong trinh 3sin2x—m? +5=0 c6 nghiém?
A. 6. B. 2. C. 1. D. 7.
Loi gidi

Chon B

Phuong trinh da cho twong duong véi phuong trinh sin2x = -

m* =5 —2x/§$m£—\/§

Vi sin2x €|-1;1| nén e[-L1lo m? e[2:8]
[-11] [-11] [2:8] F<merfs

Vay c6 2 gia tri.

Cau 4:  Co bao nhiéu gia tri nguyén cua m dé phuong trinh: 3sinx+m—1=0 c6 nghiém?
A.7 B.6 C.3 D.5
Loi gidi

3sinx+m—1=0 @sinx:I_Tm,dé c6 nghiém ta ¢6 —1g1_T’"§1 & -2<m<4
Nén c6 7 gia tri nguyén tir —2; dén 4.

Cau 5:  Tim tat ca cac gid tri thuc ctia tham sé m dé phuong trinh cosx—m =0 vo nghiém.
A. me(—0;—1)U(L;+x) B. m e (—o0;—1]U[1;+0)
C. me(1;+0) D. m € (—o0;-1)

Loi gidi
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Cau 7:

Cau 8:

Cau 9:

CHUYEN PE I - TOAN - 11 — HAM SO LUONG GIAC VA PHUONG TRINH LUQONG GIAC

Chon A

Do |c0sx| <1, Vx € R nén phuong trinh: cosx—m =0 < cosx =m

c6 nghiém khi |m| <1 va v6 nghiém khi |m|>1.

Cho phuong trinh cos(2x —%j —m=2.Tim m d phuong trinh c6 nghiém?
A.Khéngtontai m.  B. me[-1;3]. C. me[-3;-1]. D. meR.
Loi giai

Ta cé:cos(Zx—%J—m =2 < cos(2x—%}=m+2.

—1£cos(2x—%}£l:>phu0’ng trinh c6 nghiém khi -1<m+2<1 < -3<m<-1.

C6 bao nhiéu gia tri nguyén cua tham sd m dé phuong trinh cosx =m+1 c6 nghiém?
A. Vo sb. B. 1. C. 2. D. 3.
Loi giai

Phuong trinh cosx=m+1 c¢6 nghiém < -1<m+1<1 < -2<m<0.
Ma meZ = me{-2;-1;0}.

C6 bao nhiéu gid tri nguyén cua tham s6 mthudc doan [-2018;2018] dé phuong trinh

mcosx+1=0 c6 nghi€ém?
A. 4036. B. 4037. C. 2018. D. 2019.
Loi gidi

TH1: Néu m =0 thi phuong trinh da cho v6 nghiém.

TH2: Néu m # 0 thi phuong trinh mcosx+1:0<:>cosx:—i.
m

Phuong trinh da cho c¢6 nghiém < —-1< L <1
m

m>1

m<-1

Két hop voi diéu kién mnguyén va m thude doan [-2018;2018] suy ra m e {1;2;3;...;2018}
hodc m e {—2018;...;—3;—2;—1} .
Viy c6 4036 gia tri ctia tham s6 m thoa man dé bai.

Tim m dé phuong trinh sin3x—6—5m =0 c6 nghiém.

. ; m=>-—1 m>—1
A, ——<m<-1. B. ——<m<-1. C. 7. D. .
5 5 m<—— m<——
5
Loi giai
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Cau 10:

Cau 11:

Cau 12:

Ta co: sin3x—6—5m =0 < sin3x=6+5m(1).

Phuong trinh da cho c6 nghiém < (1) c6 nghiém < -1<6+5m<1 < —% <m<-1.

Tim m & phuong trinh (m + 1) sin2x =1-2m—sin2x c6 ding 2 nghiém thudc {%, 277[) .
Loi giai
sin
T 4

Z \\z

(
N

Dua vao dudng tron lugng giac ta thay phuong trinh dé cho c¢6 dung 2 nghiém thudc

» COS

— 1
, o 1 2m<1 1+3m>0 m>—§
1;—” khi —<— m<1<:> m+2 = m+2 = &S ——<m<0
12" 3 2 m+2 l<1—2m Sm <0 m<-2
2 m+2 m+2 2<m<0

Vay me (-%; o} thoa mén yéu ciu bai toan.

Cho phuong trinh cosSx =3m—5. Goi doan [a;b] 1a tap hop tat ca cac gia tri cua m dé phuong

trinh c6 nghiém. Tinh 3a+5.

A. 5. B. -2. c. D. 6.

3
Loi gidi

Phuong trinh da cho c6 nghiém khi —1£3m—5£1<:>4$3m£6<:>§£m£2.

Khi d6 tap hop tat ca cac gia tri cia m dé phuong trinh c6 nghiém 1a {?, 2} .
4

Ta dugc azg; b=2.Suyra3a+b=6.

Goi S 1a tap hop tt ca cac gia tri nguyén cua tham s6 m dé phuong trinh cos(Zx —%) -m=2

c¢6 nghiém. Tinh téng T ciia cic phén tir trong S.
A. T =6. B. T =3. C.T=-2. D. T =-6.
Loi giai
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Phuong trinh cos(2x—§j -m=2< cos(2x—§j =m+2.

Phuong trinh ¢6 nghiém < —-1<m+2<1<-3<m<-1
_meL Q= {=3;-2,—1}——>T =(-3)+(-2)+(-1)=—6.

C6 tit ca bao nhiu gia tri nguyén ciia tham sé m dé phuong trinh V3cosx+m—1=0 cb
nghiém?
A. 1. B. 2. C. 3. D. Vo sd.

Loi gidi

Taco 3cosx+m—1=0< cosx =

el

1-m
NE)

Vay c6 tat ca 3 gia tri nguyén ctia tham sé m .

Phuong trinh c6 nghiém <> —1< S1<:>1—\/§£m£1+\/§m—ez>me{0;l;2}.

Tim gia tri thyc ctia tham s6 m dé phuong trinh (m - 2) sin2x =m+1 nhan x = % lam nghiém.

2(\B+1)

A, m#2. B. m . m=-4. D. m=-1.

@}

Loi giai
Vi x:% 14 mot nghiém cua phuong trinh (7 —2)sin2x =m+1 nén ta co:
(m—2).sin?—72[=m+1®mT_2:m+l<:>m—2:2m+2<:>m:—4.
Vay m=—4 1a gia tri cAn tim.

Tim tat ca c4c gié tri ciia tham s0 m d€ phuong trinh (m+1)sinx+2—m =0 c6 nghiém.

A. m<—1. E.mzé. C. —1<m£%. D. m>-1.
Loi giai
Phuong trinh (m+1)sinx+2—m=0<:>(m+1)sinx=m—2<:>sinx=m_?.
m+
2 X . n m—2
bé phuong trinh ¢6 nghiém < —1< <1
m+1
_ — 1
o<i4m=2  |2mly mz— |
= 5 m+1<:> m;l S m<_lc>m2§12‘1giétric§ntim.
PT21<0 |-——<0
m+1 m+1 m>—1
Phuong trinh sin 5x = m c6 nghiém khi
A. |m|$5. B. m<5. C. |m|£1. D. m<1.
Loi gidgi

Tacd —1<sin5x <1< -1<m<1e|m|<1.

Tim tat ca céc gia tri ciia tham s6 m dé phuong trinh cos® x = m —1¢6 nghiém.
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Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

A.m<2. B.1l<m<?2. C.m=>1. D.1<m<2.
Loi giai

Do 0<cos’x<1v4i Vx € R nén phuong trinh c6 nghiém khi 0<m—-1<1<1<m<2.

Tim m dé phuong trinh cosx —2m +1=0c6 nghiém.

A.m>—%. B. 0<m<]1. C.0<m<l1. D.mZ—l.

Loi giai
Tacd cosx—2m+1=0 < cosx =2m—1cd nghiém khi va chi khi
-1<2m-1£1 0<2m<L2 < 0<m<l.

Phuong trinh m.cosx—1=0 c6 nghiém khi m thoa man diéu kién

m=>-—1 m<-—1
A. . B. 1 C.m=>2-1 D. m>1.
m<l1 —Im=1

Loi giai
D@ thdy v6i m = 0thi phuong trinh da cho v6 nghiém.

Véi m#0,tacd: mcosx—1=0< cosx:l (1).

m
Phuong trinh da cho ¢6 nghiém <> phuong trinh (1) c6 nghiém <
m>1

m<-1

1 SIQLS1®|m|21©
m [
C6 bao nhiéu gia tri nguyén cua tham s6 m dé phuong trinh 2sin 2x + 7 —m = 0 ¢6 nghiém?
A. 4. B. 5. C.6. D. Vo sb.
Loi gidi
. . m—"7
2sin2x+7—-m =0<:>s1n2x=T

m-—"7

Do d6 phuong trinh ¢6 nghiém < —1 < <le5<m<9=>me{56,7,89}.

Tim m dé phuong trinh cos2x = m —1¢6 nghiém.
A.0<m<2. B. -1<m<l1. C.2<m<2. D.0<m<I.

Loi giai
Phuong trinh cos2x = m —1¢6 nghiém khi vachikhi -1<m-1<1.< -2<m<2
Tim tat ca cac gia tri thuc cta tham sé m dé phuong trinh cosz(g —%) = m c6 nghiém.
A. -1<m<1 B. m<I1. C. m=>0. D. 0<m<I.

Loi gidi

Tacé: 0< cosz(g —%) <1. Pé phuong trinh ¢6 nghiém thi 0<m<1.
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Cau 23:

Cau 24:

C6 bao nhiéu s6 nguyén m dé phuong trinh 3 cos(x +%) —m+5=0c6 nghiém?

A.5. B.7. C.6. D. 9.
Loi gidi
Tacé: 3cos| x+ 2 |—m+5=0 cos| x+ 2 :m—_/5
6 6 3
m—35

<1l<2<m<8

Diéu kién dé phuong trinh c6 nghiém: —1<

Do mnguyén nén m={2;3;4;5,6;7;8}, Vay c6 7 sd nguyén m .

Tim m d& phuong trinh \/Esin(x + %) =m co nghiém x e (O;%J .

m>1
A. : B.1<m<V2. C.1<m<A2. D. 1<m<+2.

me/E

Loi gidi
ViO<x<£:>£<x+£<3—7z
2 4 4 4

:>£<sin x+Z <1

2 4
Phuong trinh da cho c6 nghiém x e (O;%j khi g < % <lol<m<2.
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