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1 HAM 88 L
/ PHUONG

GIAC VA

NH LUONG GIAC

Bir 1. HAM SO LUGNG GIAC

A-KIEN THU'C CAN NHO
D Ham sé y = sinx

® Tap xac dinh: 2 = R.

® Tap giac tri: [-1;1], tic & —1 < sinz < 1,
Vo € R.

® Ham s6 y = sinz 1a ham s6 18 nén do thi ham
s6 nhan gbc toa do O lam tam doi xing.

®@ Ham s6 y = sinz tuan hoan véi chu ki T = 2,
nghia la sin(z + k27) = sinz, véi k € Z.

B Ham sd y = cosx

® Tap xac dinh: 2 = R.

®@ Tap giac tri: [—1;1], tic la —1 < cosz < 1, Vo €
R.

® Ham s6 y = cosz 14 ham s6 chdn nén do thi ham
s6 nhan truc Oy lam truc ddi xing.

® Ham s6 y = cosz 13 ham s6 tuan hoan véi chu ki
T = 2m, nghia la cos(z + k27) = cosz, véi k € Z.

D Ham sd y = tanx

® Diéu kien Cosx%Oﬁx#g—f—lmr,szZ.
Tap xac dinh: 2 = R\ {g +km ke Z} )

@ Tap gia tri: R.

® La ham s6 18.

@ La ham s6 tuan hoan vé6i chu ki T = 7, nghia
la tan(z + km) = tanx, véi k € Z.

D6 thi ham s6 y = sinx

D6 thi ham s6 y = cosx

|
ol
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B
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1. HAM SO LUONG GIAC

Két ndi tri thirc véi cude séng

D Ham sé y = cot z

y J/ J J

® Diéu kién sinz # 0 & x # km, k € Z.
Tap xac dinh: 2 =R\ {kn,k € Z}.

@ Tap gia tri: R.

® La ham s6 1é.

® La ham s6 tuan hoan véi chu ki T = m, nghia
la cot(x + km) = cot z, véi k € Z.
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B Mot sé truang hop déc biét
& Cac truong hop dac biét cho ham y = sinx
B sin sin sin
4k ah NaRY
v' Cos v' Cos ST Y
B/
sinz =1 x=75+k2r sinz =—-l&z=—3+ k27 sinxzoﬁx:kﬂ
@ Cac truong hop dac biét cho ham y = cosx
sin sin
A A
o) cos 0] cos
lcosz =12 =kor| lcosz = —1&x=r+k2r| cosr =0 =5 +kr

B-PHAN LOAI, PHUONG PHAP GIAI TOAN

2 Dang 1. Tim tap xdc dinh clia ham sé luvong gidc

Ta chi §¥ mot s6 diéu kién sau:

—@Xéc n %
a)y—g($) dinh < g(x) # 0.

b) y = X/f(x) xac dinh & f(x) > 0, trong d6 n € N*.

e
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

c) y = tan [u(z)] xadc dinh < u(x) xéc dinh va u(x) # g + km, k € Z.

d) y = cot [u(x)] xac dinh < u(z) xac dinh va u(x) # kn, k € Z.

¢ Vidu 1. Tim tap x4c dinh clia cdc ham s6 sau day:

B 2sinx + 3

a) y
COS ¥
1+ cosx
d)y=——"—

 1+4sinz

B 2sinx + 3

g) y sinz — 1

j) y=+3—2cosz.

1+ cosz
b)y=—"—

- 1—cosx
_ sinz —3
SR A=
_ 2sinx —3
2sinx + 3
Vcosz — 2

1+coszx

h) y

k) y=

2 4+ 3cos2x
c) y=—"7H1
sin x

B 2sinz + 3

f) y=

cosx + 2

r—1

+2

1) B /1+ cosz
y= 1—cosz

i) y =sin

o Li gidi.
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1. HAM SO LUCONG GIAC Két ndi tri thirc véi cude séng

y 4/ J J

$> Vidu 2. Tim tap xac dinh clia cAc ham s6 sau day:

a) y=2tanx + 3 b) y = 2tan 2z — 4sinz c) yzcot(:v—{—%)—kl

 Loi gidi.

$ Vidu 3. Tim tat ca cac gia tri cia m dé ham s6 sau c6 tap xac dinh R.

inr —1
a) y =+/m—cosz b) y =+2sinz —m c)y—SIL

cosr+m

® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

dinh R.
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1. HAM $O LUCONG GIAC Két néi tri thirc véi cude séng

y J/ J J

2 Dang 2. Tinh chdn Ié cGa ham sé
Ta thuc hién cac budc sau:
a) Tim tap xac dinh 2 ctia ham s6 — Tap 2 phai ddi xing.
b) Tinh f (—x) (ché nao cé bién x, ta thay bdi —x) va thu gon két qua. Khi d6

e Néu f(—z) = f(z): ham s6 da cho 13 ham chén.
e Néu f(—z) = —f(x): ham s6 da cho la ham 1é.

e Néu khong roi vao 2 truong hgp trén, ta két luan ham sé khong chén, khong 18.

CHUY
—_J
® Ham s6 y = sinx 1a ham s6 18. @ Ham s6 y = cosz 13 ham s chin.
® Ham s6 y = tanz 13 ham s6 18. @ Ham s6 y = cot x 1a ham s6 18.
> Vidu 5. Xét tinh chén 1é clia ham s6
: 97
a)yzf(sc)zsm(%c—l—?); b) y = f (x) = tanx + cot x.
o Loi gidi.
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC K&t néi tri thire véi cude séng

y J/ J J

¢ Vidu 6. Xét tinh chin 1é ciia ham s6 y = tan” 2z - sin 5z.

® Loi gidi.

& Dang 3. Tim gid tri I6n nhét - gid tri nhé nhét

Ta thuong dung mot trong 3 phuong phap sau:

@ St dung cac bat déng thitc co ban

® —1<sinz <1,VxeR, @ —1<coszx <1,Vxr eR,
® 0 <sin’z, cos?z <1,Vz € R; @ 0 < |sinz|,|cosx| < 1,Vz € R.
® Co — si: ® Bunhiacopxki:
a+b>2vab, véi moi a,b > 0 (ab+ cd)® < (a® + &) (0* + &)
Dau bang xay ra khi a = b. Dau bang x4y ra khi % = cEZ

& St dung dicu kién c6 nghiem

® sinx = f(m) c¢6 nghiem khi —1 < f(m) < 1.
@ cosx = f(m) ¢6 nghiem khi —1 < f(m) < 1.

@ sina + bcosx = ¢ c6 nghiem khi a® + b > 2.

@ St dung bang bién thién: Lap bang bién thién ctia ham s6, tit d6, két luan.

$> Vidu 7. Tim gia tri 16n nhat va gia tri nhé nhat ctia cac ham s6 sau

1 — 2sin’x

a) y=2sinx + 3 b)y:T ¢) y=+v2+cosx —1
d) y =4sinzcosx + 1; e) y=4—3sin®2z. f) y=(3—sinz)’+1
g) y = sin*z + cos’z h) y = sin®z + cos®z

® Loi gidi.
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1. HAM SO LUCONG GIAC Két ndi tri thirc véi cude séng

y 4/ J J

$> Vidu 8. Tim z dé ham s6 y = (sinz 4+ 3)* — 1 dat gia tri nho nhat.

 Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J
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1. HAM SO LUCONG GIAC Két ndi tri thirc véi cude séng

y 4/ J J

¢ Vidu 10. Tim gia tri 16n nhat va nhé nhat ctia ham s sau

a) y = +/3sinz + cosx b) y = sin 2z — cos 2z c) y=3sinx +4cosx

® Loi gidi.

$> Vidu 11. Tim gi4 tri 16n nhat va nho nhat ctia ham s6 sau

a) y = 2sin’z — 3sinx + 1 b) y = 2cos?x + 3cosx — 2 c) y=cos2x —sinz + 3

D Lo gidi. _
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

> Vidu 12, Tim gia tri 16n nhat, gia tri nhé nhit ciia ham s6 y = 2 cos? z — 2v/3sinz cosz + 1.

® Li gidi.
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1. HAM $O LUCONG GIAC Két néi tri thirc véi cude séng

y J/ J J

sinx +3cosz + 1

$¢> Vidu 13. Tim gi4 tri I16n nhat va gia tri nho nhat ctia ham s6 y =

sinx —cosx + 2

 Loi gidi.

C-BAI TAP TRAC NGHIEM

$>Cau 1. Tim tap xac dinh 2 clia ham s6 y = — tanz.

@.@:R\{nglm,keZ}. B 9 =R\ {kn,k € Z).
© 2 =R\ {k2n,k € Z}. @ng\{ngkzn,keZ}.

 Loi gidi.

$>Cau 2. Tim tap xac dinh clia ham s6 y = cot z.
@.@zR\{k%UqEz}. B) 2 = R\{kr|k € Z}.
(©) 2 = R\{k2r|k € Z}. @@zR\{ngkﬂkeZ}.

T — ——
o Loi gidi
~ A NN 2 1—3cosz .
¢S Cdu 3. Dieu kién xdc dinh ctia ham s6 y = E— 1a
inz
@z#gﬁ-kﬂ,kez (B) z # k2w, k € Z.
@mé%”,kez. D)z # kr, k€ Z.
T — ——8
® Loi gidi.

12/83 ' B Th.S Nguyén Hoang Viet — 80905.193.688 ﬂ



Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

“ . . 2 si 1
¢ Cau 4. Véi ky hieu k € Z, dieu kién xac dinh ctia ham s6 y = % 1a
— CcoS T
(:>x7ék27r. x;«élm. (:)x#g+k7r. @l‘#%—{-k%‘(.

® Loi gidi.
$>Cau 5. Véi ky hieu k € Z, diéu kién x4c dinh ctia ham s6 y = tan (Qx — g) 1a
™ T 5% T 57 T
@x#g—l—ka x;«éﬁ—i-knr. @x#§+k7r. @x#ﬁ—l—ki
® Loi gidi.

$> CaAu 6. Tap gia tri ctia ham s6 y = cos x 1a tap hgp nao sau day?
(A)R. (—00; 0). (©)[0; +00]. D) [-1; 1.

® Loi gidi
$>CAu 7. Tap gia tri ctia ham s6 y = sin 2z 13
®[-22. 052, ©-11] ©o;1
® Loi giai
¢S Cau 8. Menh dé nao dudi day ding?
(A)Ham s6 y = sinz 1a ham sb chén. Ham s6 y = cos x 13 ham s6 chén.
@ Ham s6 y = tanx 1a ham s6 chén. (D) Ham s6 y = cot z 1a ham s6 chén.
® Loi gidi.
$>Cau 9. Tim ham s6 1é trong cdc ham sb sau:
@yzsian. yzxcost. @y:xsinx. @y:cosx.
® Loi gidi

y 4/ J J
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1. HAM SO LUONG GIAC

Két néi tri thirc véi cude séng

y 4/ J J

$©Cau 10. Tim diéu kién xac dinh ctia ham sb y = tanz + cot .
@x#kw,kez. x%g—kkﬂ,kez.
@m%%ﬁ,kéz @xeR.
T — P
® Loi giai
$>Cau 11. Tap xac dinh clia ham s6 y = 2cosdr —1 1a
cosx + 1
(A2 =R\ {r+kn;k € Z}. B) 2 =R\ {k2m; k € Z}.
@@:R\{g+kw;keZ}. (D) 2 =R\ {r + k2m; k € Z}.
T

® Loi gidi.

Ham s6 y = cosz tuan hoan vdéi chu ki 7.
(D) Ham s6 y = sin 2z tudn hoan véi chu ki 7.

¢S Cau 12. Meénh dé nao duéi day sai?
(A)Ham s6 y = tanz tuan hoan véi chu ki 7.
@ Ham s6 y = cot  tuan hoan véi chu ki 7.

® Loi gidi.

$>Cau 13. Ham sd y = sin 2z ¢6 chu ky 1a
AT = 2r. ng.

¢S Cau 14. Ham s6 nao 1a ham s6 chan?
. ™ ™
®y281n(a7—|—§). y:cos(x+§>.

$> Cau 15. Duong cong trong hinh dudi day & do thi clia mot ham sd trong bén ham s6 dude
liet ke 6 bon phuong 4n A,B,C,D. Ho6i ham s6 d6 14 ham s6 nao?

—

e
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

yzl—sinx.

@yzl—l—sinx.

@y =sinx.

® Loi gidi.

4 bén phuong an A, B, C, D. Héi d6 1a ham s6

$> Cau 16. Duong cong trong hinh vé bén dudi 1a do thi ctia mot trong bon ham s6 duge liet ke

nao?

Veosz + 2.
maxy =3 va miny = 2.
@maxy =3 va miny = —1.

¢S Cau 17. Tim gia tri 16n nhat va gia tri nho nhat clia ham s6 y =
@maxy =3 va miny = 1.
@maxy =3 va miny = —2.

® Li gidi.

V2sinx + 3.
maxy = /5, miny = 2v/5.
@maxy = /5, miny = 3.

¢S Cau 18. Tim tap gid tri 16n nhat, gia tri nhé nhat clia ham s6 sau y =
@maxy = /5, miny = 1.
@maxy = /5, miny = 2.
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1. HAM SO LUONG GIAC

Két néi tri thirc véi cude séng

y 4/ J J

@miny = —2, maxy = 4.
miny = —2, maxy = 3.

¢S Cau 19. Tim tap gia tri 16n nhat, gia tri nhé nhat ctia ham s6 sau y = 14 3sin <2x - Z)

miny = 2, maxy = 4.

@miny = —1, maxy = 4.

® Loi gidi.

$>Cau 20. Tim tap gia tri 16n nhat, gia tri nhd
@miny =1, maxy = 2.
@miny =2, maxy = 3.

nhat ctia ham s6 sau y = 3 — 2 cos? 3.

miny = 1, maxy = 3.

@miny = —1, maxy = 3.

o Loi

gidi.

$>Cau 21. Tim tap gia tri 16n nhat, gia tri nho nhét clia ham s6 sau y = 1 + /2 + sin 2z.

@miny =2, maxy = 1++/3.
@miny =1, maxy = 1+ /3.

miny:2, maxy:2+\/§.

@miny =1, maxy = 2.

—, maxy = 4.

@miny: A

$© Cau 22. Tim tap gia tri 16n nhat, gia tri nho nhat ctia ham s6 sau y =

4
1+ 2sin’z’

miny = %L, maxy = 3.

3
4 1
@minyzg, maxy = 2. @minyzi,maxyzél.
S
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

> Cau 23. Tim tap gia tri 16n nhat, gia tri nhé nhat ctia ham s6 sau y = 2sin® « + cos? 2.

@maxy =4, miny = T
@ma,xy =4, miny = 2.

maxy = 3, miny = 2.

) 3
@maxy =3, miny = 1

|

|

® Loi gidi.

¢S Cau 24. Tim tap gia tri 16n nhat, gia tri nhé nhat ctia ham s6 sau y = 3sinx +4 cosz + 1.
maxy =4, miny = —4.
@maxy =6, miny = —1.

@maxy =6, miny = —2.
@maxy =6, miny = —4.

o Li gidi.

¢S Cau 25. Tim tap gia tri 16n nhat, gia tri nhé nhat ctia ham s6 sau y = 3sinx +4cosz — 1.
@miny:—G;maxy=4. miny=—6;maxy:5.
@miny:—3;maxy:4. @minyz—G;maxyzG.

maxy = 6, miny = —8
@maxy =8, miny = —6

$O CaAu 26. Tim gi4 tri 16n nhat, gia tri nhé nhat ctia ham s6 y = 3sinz + 4cosz — 1.
@maxy:4,miny:—6. .
@maxyzG,miny:—4. .
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1. HAM SO LUONG GIAC

Két néi tri thirc véi cude séng

y 4/ J J

nguyén cua 7.

A 4. ®) 6.

~ . 3 .
¢S Cau 27. Goi T 1a tap gia tri clia ham s6 y = isin2x — 7 ¢os 2z + 3. Tim tong cac gia tri

1

D) 3.

R — T
® Loi giai
$>CaAu 28. Ham s6 y = cos?x +sinz + 1 ¢6 gia tri 16n nhat va gia tri nhd nhat lan lugt bang
9 9
(A)3;1. 1;—1. @Z;O. @1;2.
® Loi gidi

$>Cau 29. Gia tri 16n nhat ctia ham s6 y = 2cos?z — sin 2z + 5 12
(A)6+ V2. 6— /2.

©v2

® Loi gidi.

sinxz +2cosx + 1

sinx +cosx +2
M=

$> Cau 30. Tim gi4 tri 16n nhat M clia ham s6 y =
A M =-2. M =-3. ©

o
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC

Két ndi tri thire véi cude séng

19/83 ‘

y J/ J J

Bir2. PHUONG TRINH LUONG GIAC CO BAN

A-KIEN THUC CAN NHO

) Phuong tinh sinx = a.
™ Trudong hop a € {—1;0;1}.

BI

sinz =—-l&z=—-7+ k27

sinz =1 x=75+ k27

V2 VB

sin

Al

10} cos

\sinsz@m:kﬂ

o E—

@ Truong ho
ruong nop a € { 5’ 5 5
tuong dng.

@® Cong thic theo don vi rad:

= k2
X o+ k2T ke

sinx = a & ,
!x:ﬂ—a+k27r

} Ta bam méy | SHIFT||sin | [a] dé ddi s6 a vé géc a hodc 3°

sin

@ Cong thiic theo don vi do:

x = [°+ k360°

, kel
z = 180° — 3° 4 k360°

sinr =a & [
@ Truong hop a € [—1; 1] nhung khéac cac s6 & tren.
] !x = arcsina + k27

sinx = a <

@ Cong thitc md rong cho hai ham f(z) va g(z)

sin[f(z)] = sin[g(z)] < [

B Phuong trinh cos x = a.
™ Truong hop a € {—1;0;1}.

(N4
Q/ cos

sin

A\ O cos

keZ

. )
T =7 — arcsina + k27

lcosz =1 x=k2n) ‘COS$=—1<:>I=W+k2W‘

cost =0 x=75+km

o

B Th.S Nguyén Hoang Viet — @ 0905.193.688 m



2. PHUONG TRINH LUONG GIAC CO BAN K&t néi tri thirc véi cude séng

y J/ J J
& Truong hop a € {:I:2 :I:\é_ \é_} Ta bam may | SHIFT |[cos][a] dé ddi s6 a vé goc a hodc B°
tuong uing.
® Cong thtc theo don vi rad:
r=a+k2r
COST = a & ke
r=—a+ k27 !
: CcCoS
@ Cong thic theo don vi do: 0 " a
x = [3° + k360° |
- <~ ) k € Z
@ Truong hop a € [—1; 1] nhung khac cac s6 G trén.
x = arccosa + k271
COST = a & ,keZ
xr = —arccosa + k21
@ Cong thic md rong cho hai ham f(z) va g(z)
f(x) = g(x) + k2r
cos|f(z)| = cos|g(x)| & SW/
/()] = coslg )] [ oy

B Phuong trinh tanx = a.

3 Z 2 2 Z X
® Truong hop a € {O; :I:%; +1; :I:\/g} Ta bam may |SHIFT | [tan | [a] de doi so a ve gbc o hodc

(£° tuong ing.
tang

® Cong thic theo don vi rad: a

tanr =a<r=a+kn, keZ

O
@ Cong thic theo don vi do: /

tanx =a < x=0"4+k180°, k€ Z

& Truong hop a khac cac s6 6 trén thi

tanx = a < r = arctana + km, k € Z.

D Phuong trinh cot x = a.

3 2z 2 2 Z b
@ Truong hop a € {i\/?—; +1; i\/ﬁ} Ta bam may | SHIFT|[tan ||| dé ddi s6 a vé goc a hoic 5°

tuong tng. Riéng a = 0 thi a = g
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC K&t néi tri thire véi cude séng

y J/ J J

a cotang

@® Cong thiic theo don vi rad:

cotr=asr=a+kr, ke’

@ Cong thiic theo don vi do:

cotr =a < x=p°+k180° k € Z

& Truong hop a khac cac s6 & trén thi

cotx = a < x = arccot a + krw, k € Z.

B-PHAN LOAI, PHUONG PHAP GIAI TOAN

& Dang 1. Gidi cac phuong trinh lvong gidc co bdn

e Nhan dang (bién ddi) vé ding loai phuong trinh co ban, xem s6 a quy ddi vé goc "dep" hay
XAu;

e Chon va rap cong thic nghiém.

¢ Vidu 1. Giai cac phuong trinh sau:

2) singz = — Y3 b) 2sin (T — ) =1 ¢) 2sin(z —45°) —1=0
2 5
2m
d) cos (x—?) — il e) vV2cos2z —1=0 f) 3cosz—1=0.

® Loi gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN K&t néi tri thirc véi cude séng

y 4/ J J

¢ Vidu 2. Gidi cac phuong trinh sau:
a) tan3x=—? b) ﬁtan(%—x) =1 c) tan(x —45°) —1=0
d) sinz —v/3cosxz =0 e) V3cotz —1=0 f) (tanz — 2)(cotx + 1) =0.
® Loi gidi.
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi ri thirc véi cude séng

y 4/ J J

& Dang 2. Gidi cdc phuong trinh lwong gidc dang mé réng

s A P X ~ z S -
e Bicn doi ve mot trong cac cau tric sau

e Chu ¥ cac cong thic bién doi luong giac sau:
@ —sinx = sin(—=z). @ —cosx = cos (m — x).

® sinx:cos(g—x). @ cosx:sin(g—x).

® sinu = sinwv @ cosu = cosv ® tanu = tanv @ cotu = cotv

o
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2. PHUONG TRINH LUONG GIAC CO BAN K&t néi tri thirc véi cude séng

y 4/ J J

$> Vidu 4. Gidi cic phuong trinh sau:

a) sin 3z = sin 2z b) sin2z —sinx =0 ¢) sinbx +sinz =0
d) cos2z —cosx =0 e) cos8x + cosx =0 f) cosdx —sinx =0
® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

& Dang 3. Gidi cdc phuong trinh lvgng gidc cé diéu kién xdc dinh

> Vidu 6. Gidi cac phuong trinh sau:

2

Ccos T CcOs” r — sin

\/§—sinx B

a) —— T b)

1—sinx

2

° ¢) tanz(1 — 2sinx) =0
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2. PHUONG TRINH LUONG GIAC CO BAN K&t néi tri thirc véi cude séng

y 4/ J J

$> Vidu 7. Giai phuong trinh tan (290 + %) + tan (% - 9:) —0.

o Dépsc‘)x:_?ﬂ-l—k‘ﬂ,keZ.

. . x z B
$® Vidu 8. Giai phuong trinh (cot 3~ 1) (cot > + 1) =0.

. 3
e Dap s@x:f—l—k&r,x:—g—i—kﬂﬂ,(/{eZ).

® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y J/ J J

sin2x +2cosxz —sinx — 1

¢ Vidu 9. Giai phuong trinh

\/§+tanx .
o Dépsé;c=§+k:27r.

=0

o Ldi gidi.

& Dang 4. Gidi cdc phuong trinh luong gidc trén khodng (a;b) cho truéc

@ Giai phuong trinh, tim cac ho nghiém r = o + k7w
@ Viz € (a;b) nén a < a+ km < b, chuyén vé tim khoang "dao dong" ctia k.
® Két hop vé6i k € Z, ta chon cac gia tri & nguyén nam trong khoang vira tim dugc.

@ V6i moi gia tri k, ta thay vao tim nghiém tuong tng.

$> Vidu 10. Tim nghiém ctia cac phuong trinh lugng gidc sau trén khoang cho trude

o
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2. PHUONG TRINH LUONG GIAC CO BAN K&t néi tri thirc véi cude séng

y 4/ J J

a) v3tanx — 3 =0 trén (0, 37). b) V2sin(z — 1) = —1 trén (-2, 7).

272

c) 2cos (33: — g) —1=0trén (—m, ). d) tan(3z +2) — v3 =0 trén (-Z,%).

3 - 2
$> Vidu 11. Gidi phuong trinh 3 — v/3 tan (2&0 — g) =0 v6i Tﬂ <x< g
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC K&t néi tri thire véi cude séng

y J/ J J

® Loi giai
‘ s : inf(z—F ™) =
$> Vidu 13. Tim z € (—m;7) sao cho sin (m 3) + 2 cos (x+ 6) 0.
® Loi giai

C-BAI TAP TRAC NGHIEM

$>Cau 1. Véi k € Z thi phuong trinh 2sin(x + 60°) = /3 ¢6 nghiem la
r = k.180% z = 60° + £.180°. r = £.360% z = —120° + £.360°.

r = k.360% 2 = 60° + £.360°. (D) z = —30° + £.360%; & = 90° + k.360°.

sinx = 07

@tanx:O. (B) cosz = —1. @cotle. @cosle.

® L3i gidi.

¢ Cdu 2. Phuong trinh nao dudi day c6 tap nghiém trung véi tap nghiém ctia phuong trinh

$>Cau 3. Tim m dé phuong trinh cos2z = 1 — m c6 nghiem.
—1<m<3. B o<m<2. ©m<2. D) m > 0.

® Loi gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN

Két néi tri thirc véi cude séng

y 4/ J J

$> Cau 4. Phuong trinh ndo sau day vo nghiém?

@sinx:%. tanx:\/g.

@sin:c = &,

® Loi gidi.

$¢>Cau 5. Phuong trinh sin 2z = m vo nghiém khi va chi khi

®m>1. m<—1.

—-1<m<1.

@m:—ngkvr,keZ.
@m:%—l—kﬂ,kéz

$> CAu 6. Nghiém ciia phuong trinh sinz = —1 13

B)z =kn, ke Z

@x:—g—i—kQW,kEZ.

— —
® Loi giai
................................................. e

¢S Cau 7. Tim nghiém ctia phuong trinh cot (1’— g) = g
@x:gmw,kez. x=2§+lm,kez.
@mz%%—kﬂw,kez @x:kw,kEZ.
—
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

N 3
$> CdAu 8. Phuong trinh cosx = —% c6 tap nghiém la

@{xzi%—i—k?%;keZ}. {x:ig-l-kw;k:EZ}.

@{xz:l:%—kk%r;keZ}.

@{xz:l:z—l—lm;keZ}.

6
T — T
® Loi gidi
~y N A R Z [N 2 ~ . 3
¢ Cau 9. Tim tat cd cac nghiém ctia phuong trinh sin 3z = -
[ :_+k2 keZ -x:z+k27r,k€Z
®w| 5 5
2m k27r ' _ 2r
i ™ kmw i T k27w
= — kelZ =-+—,kecZ
@ 93 ®| 3730
27T+k7r k‘EZ‘ _27r+k’27r ke
_1:_ 9 3’ _‘/L'_ 3 37
I — .
® Loi gidi.
$> Cau 10. Nghiém ciia phuong trinh 2sinz +1 =10 1a
11 -7
@x——ﬂ—i—k%rvam—?—kk%r x:%+k27rvax:Tﬂ+k27r.
7 — 7
@x:——i-kmvéx:—w—f—lmr. @x:l+k2wvax:1+k2w.
6 6 6 6
T — S

o Li gidi.

¢S Cau 11. Phuong trinh sinz — cosz = 1 ¢6 mot nghiém 1a

®-Z. ® 7. = .

® Li gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN

Két néi tri thirc véi cude séng

y 4/ J J

@{%+2kw,kez}.

(©) {kn,k € Z}.

¢S Cadu 12. Tap nghiém ctia phuong trinh sin2z =1 1a

{%Jrkw,kez}.
@{g-l—%vr,kez}.

T — .

® Loi gidi.
- . 2 2 .
$> Cdu 13. Phuong trinh sinz = 3 c6 s6 nghiém thudc (—m; )
(A1 (B) 3. ©2. D) 4.

® Loi giai
® Loi giai

Chon dap an @ O

[0; 37] thi gié tri cia n la

n=5.

n =8.

. 3 .
$> Cdu 14. Cho phuong trinh sin 2z = \/7— Goi n la s0 cac nghiém ctia phuong trinh trong doan

@n:6. @n:Q.

 Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

¢S Cau 15. Tim tat ci cac nghiém clia phuong trinh sinz — cosz = 0.

@x=i§+k27r(keZ).
@xz%—kk?w (k € Z).

x:%+l€2ﬂ';$:%+k2ﬂ'(lﬂ€Z).
@xz%—k/ﬂﬂ (k € Z).

® Loi gidi.

$> Cau 16. Tim s6 do ba géc clia mot tam gidc can biét rang sd do clia mot goc 1a nghiem cia

1
phuong trinh cos 2z = —5

®{Z I

3'373)7 L4747 20

@{2151}
37676)

T — T
® Loi gidi
$>Cau 17. Tim tat ca cac gia tri m dé phuong trinh sau c6 nghiém: cos 2z = —.
A m<1. B -1<m<1.
—2<m<2 @mﬁ—lhoécle.
T — T

o Li gidi.
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2. PHUONG TRINH LUONG GIAC CO BAN

Két néi tri thirc véi cude séng

y 4/ J J

S

$> Cau 18. S6 nghiém ctia phuong trinh 2 cos (x - —) = 1 trong khoang (0;7) la

A) 4. ®) 1.

2

©2.

¢S Cau 19. Phuong trinh 2cosz — 1 = 0 ¢6 nghiém la

@a:z:l:%+k27r,k:€Z.
©a ==+ +2m kel

xz:l:%—i—knr,kEZ.

@a:::tg—klﬁﬂ,kez

R ——— N
® Loi gidi.
¢S Cadu 20. Tap nghiém ctia phuong trinh cos2x = —1 1a
@) —kr, k € Z. {—%+km,kez}.
©f-Z+hemkez}. (D) {90° + £180°, k € Z}.
I —— ————S

~ Z 2 2 ~ ]_
¢S Cau 21. S6 diem bieu dién cac nghiém ctia phuong trinh sin (290 + g) =5 trén duong tron

lugng giac la

(A) 4. ®) 6.

©1. D) 2.

 Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y J J J
$> Cau 22. Phuong trinh cosg = —1 ¢6 tap nghiém la
(A {27 + kar|k € Z}. B {r+k2rlk € Z}. (C) {kdr|k € Z}. (D) {k2n|k € Z}.
® Loi gidi.
> Cau 23. Nghiem ctia phuong trinh sin® 2 — cos*z =01

x:knr.

@xzw+k27r.

$> Cau 24. Tim tat ci nghiém cta phuong trinh sinz. cos x. cos 2z = 0.

@k ®) kr (k € Z).

(keZ).

@k

(keZ).

$> Cdu 25. Tinh tong cac nghiem z € [0;20187] clia phuong trinh sin 2z = 1.

@ g_ 407123157r' g_ 4071:;157r'

8141621 8141621
©s-—=— O@s-——

74.7

(D) 3.
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2. PHUONG TRINH LUONG GIAC CO BAN

Két néi tri thirc véi cude séng

y 4/ J J

$> Cau 27. Phuong trinh sin 5z —sin 2 = 0 ¢6 bao nhiéu nghiém thuoc doan [—20187; 201877

(A) 16145. (B) 20181.

(©)20179. (D) 16144.

®) 2.

©1. D)3.

® Loi gidi.

=
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Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC K&t néi tri thire véi cude séng

y J/ J J

Bir3. MOT SO PHUONG TRINH LUQNG GIAC
THUONG GAP

A-KIEN THU'C CAN NHO

) Phuong trinh bac nhét déi véi mét ham sé luong gidc

(¢' Dang phuong trinh

D a-sinzx+b=0 @ a-cosz+b=0
® a-tanz+b=0 @ qg-cotx+b=0
(¢ Phuong phap giai: Chuyén vé, bién doi vé phuong trinh co ban.

b b

®a-sinz+b=0%&siny = —— @ a-cosz+b=0<cosz = ——
a a
b

® aq-tanz+b=0<tanzx = —— @ qg-cotzr+b=0<cotx = —-—
a a

B3 Phuong trinh bac nhét déi véi sinx va cosx

(¢' Dang phuong trinh
e asinx +bcosz=c (1).

e Dicu kién c6 nghiem a® 4 b* > 2.

(¢' Phuong phap gidi: Chia 2 vé phuong trinh cho v/a? + b2. Khi d6

a b c
1 ————Sinr £ ———=C0ST = ——
1) Va2 + b? Va?+ b? Va2 + b2
c
& cos@-sinx £sing - cosr = ———
6 6 ——
c a b
& sin(rt¢) = —— (2), V6l cos¢p = ————= Vva sin¢gp = ———.
w0 = Jorp @ 0= Jarre PO
Phuong trinh (2) 1a phuong trinh co ban da xét ¢ bai trudc.
Chu y hai cong thiic sau:
e sinacosb £ cosasinb = sin(a + b).
e cosacosb =t sinasinb = cos(a Fb).
E®) Phuong trinh bac hai déi véi mét ham sé lugng gidc
(¢' Dang phuong trinh
® a-sin?z+b-sinz+c=0 @ a-cos*r+b-cosx+c=0
® a-tan’x +b-tanz +c =0 @ q-cot?’r+b-cotr+c=0

(¢ Phuong phap giai
e Dit an phu ¢, chuyén phuong trinh vé an t.

e Bam mAy, tim nghiém ¢. Sau do, gidi tim x.

e Chi y vé6i phuong trinh s6 @ va @ thi —1 <t < 1.
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP

Két ndi tri thirc véi cude séng

y J/ J J

B-PHAN LOAI, PHUONG PHAP GIAI TOAN

2 Dang 1. Gidi phuong trinh béac nhat ddi véi mét ham sé luong gide

¢ Vidu 1. Giai cic phuong trinh sau:
a) 2sinz 4+ 1 =0;

c) tanz + V3 = 0;

b) V2cosz —1=0;

d) V3cotz —1=0.

> Vidu 2. Giéi cac phuong trinh sau:

a) 28111(:1:—%)4—1:0.

b) V2 cos (3:5—%) —1=0.

e
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

c) tan(g—x)-i-\/gzo. d) \/gcot(x—i-z)—l—?)zo.

® Li gidi.
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Két ndi tri thire véi cude sbng

y 4/ J J

¢ Vidu 4. Gidi phuong trinh (2cosx — 1) (sinx + cosz) = sin 2z — sin z.

® Loi gidi.

[BAI TAP TU LUYEN]

=
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi ri thirc véi cude séng

y J/ J J

$>Bai 1. Giai cac phuong trinh sau

a) 2cos 27 ++/3 = 0. b) 2sin3z +1=0
s
c) 2cos2z — /2 = 0. d)3—2\/§cos($+z)20.
2
e) 2cos (l‘—z>+1=0. f) 24/2sin (x+—7r) = /6.
6 5
: T
g) 3sin(z —1)+2=0. h) ﬁtan(g—2m)+1:0.
i) (cos2r + v/2)(cot3z — 1) = 0. j) 2 —2v/3tan (x+g) = 0.

$9 Bai 2. Tim nghiém ctia cac phuong trinh luong gidc sau trén khoang cho trude

T

a) V3tanz — 3 = 0 tren (0, 37). b) v2sin(z — 1) = —1 trén <_77 5)

> Bai 3. Giai phuong trinh 2sin? 2z + sin 7z — 1 = sin .

> Bai 4. Giai phuong trinh (cosz — sin x) sin x cos x = cos z cos 2.

$>Bai 5. Giai phuong trinh (2sinz — cosx)(1 + cos x) = sin® .

& Dang 2. Gidi phuong trinh bac hai ddi véi mdt ham sé luong gidc

¢ Vidu 5. Gidi cac phuong trinh sau

a) 3sin’x — 5sinx + 2 = 0; b) 4cos’z —4cosx —3=0.

¢) 3sin®2x + 7cos2z — 3 = 0; d) V3tanZz — 2tanz + V3 = 0.

® Loi gidi.
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Két ndi tri thire véi cude sbng

y 4/ J J

¢ Vidu 6. Gidi cac phuong trinh sau

a) cos2z +cosz + 1 = 0; b) 6sin? 3z + cos 12z = 14;
c) cosdx + 6 = 7 cos 2u; d) Ttanz — 4 cotx = 12.
® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

¢ Vidu 7. Gii cdc phuong trinh sau

. 2v2
a) 1—<2+\/§>smx+m:0,

b) tan?x — +7=0.

COS T

® Loi gidi.

¢ Vidu 8. Giai cac phuong trinh sau

cos2x + 3cot x + sin4x _ .

a)

cot 2x — cos2x

b) 4sin? 2z + 6sin®z — 9 — 3 cos 2z _ 0
cosS T

o Li gidi.

o
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Két ndi tri thire véi cude sbng

y 4/ J J

[BAI TAP TU LUYEN]

$> Bai 6. Giai cac phuong trinh sau
a) cos’z + cosz — 2 = 0; b) 2sin?x — 5sinx + 2 = 0;

c) 6cos?x + 5sinx — 7 = 0; d) 3tan?x — 2v/3tanz + 1 = 0.

¢S Bai 7. Giai cac phuong trinh sau:

a) 2tanz +cotz —3 =0 b) 5sinz — 2 = 3(1 — sinz) tan® z ;
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi ri thirc véi cude séng

y 4/ J J

c) 2cos2x.cosx = 1+ cos 2z + cos 3x; d) cos2x + cosx = 4sin? (g) -1

$>Bdi 8. Tim nghiém = € (0; 107) ctia phuong trinh

V3

—tanz — 2V3 = sinx <1+tanx.tang) .

cos2 ¢

& Dang 3. Gidi phuong trinh bac nhat déi véi sinx va cosx

¢ Vidu 9. Gidi cac phuong trinh sau:
a) sinz + v3cosz = 1; b) V/3sin 2z — cos 2z = 2;

c) sin 2z — /3 cos 2z = 2; d) 3sinz 4 cosz = 2.

® Loi gidi.
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Két ndi tri thire véi cude sbng

y 4/ J J

2m 6r

$> Vidu 10. Tim céc nghiem z € (?, ~

) ctia phuong trinh cos 7z — v/3sin 7z = —v/2.

 Loi gidi.

2
> Vidu 11. (D.2007). Gii phuong trinh (sing + cos g) +v3cosz = 2.

. 1 —2sinx)cosz
Vi 12. Giai ph inh ( =V3.
<> Vidu Giai phuong trin 1+ 2sinz)(1 —sina) V3

® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

[BAI TAP TU LUYEN]

¢S Bai 9. Gidi cac phuong trinh sau:
a) cosz —\/3sinz =1 b) V3sinz + cosx = /2

c) V3cosz —sinz =0 d) sin3z — v/3cos 3z = 2sindx

$>Bai 10. Gidi cdc phuong trinh sau
a) cos(m — 2x) — cos (2x + g) = /2
b) /3 cos 2z + sin 2z + 2sin (Qx - %) = 2v/2;

¢) sinz — v/2cos 3z = v/3cosx + v/2sin 3z;

d) cos 7z cosbr — \/§ sin2x = —sin bz sin 7x.
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP K&t néi tri thirc véi cude séng

y J/ J J

$>Bai 11. Giai cac phuong trinh sau:
a) sinz — /3 cosz = 2sin 5z
b) V/3sin 2z + 2sin’z = 2
c) \/§cos5x —2sin3xcos2x —sinz =0
d) cos 7z cos br — V3sin 2z = 1 — sin 7z sin 5z
e) sinz + cosx sin 2z + V3cos3x =2 (cos 4z + sin?’x)

f) tanz — 3cotx :4(sinx+ \/gcosx)

> Bai 12. Giai phuong trinh 2sin(z + %) +sinz 4+ 2cosx = 3.

> Bai 13. Giai phuong trinh (sin 2z + cos 2z) cos x + 2 cos 2x — sinx = 0.

¢ Bai 14. Giai phuong trinh sin 2z — cos 2z + 3sinz — cosz — 1 = 0.

& Dang 4. Phuong trinh ddng cdp béac hai déi véi sinx va cosx

(¢ Dang phuong trinh
e asin’?z + bsinzcosz + ccos’x =0
e Tong quat: asin®x + bsinx cosx + ccos’x = d
(¢ Phuong phap giai
e Truong hop 1. Xét cosz = 0, khi d6 sinx = 1. Ta thay truyc tiép vao phuong trinh
— Néu thoa man, suy ra v = g + k7 1a nghiem va xét tiép Truong hop 2.
— Néu khong thoéa méan, ta bo qua va xét tiép Truong hop 2.

e Truong hop 2. Xét cosx # 0, chia 2 vé phuong trinh cho cos? z ta dua phuong trinh dang
xét vé dang phuong trinh bac hai theo tan .

e Tong hgp nghiem & 2 trusng hop.
Chi y cong thiic

i 1
® M? _ tana. @ sin2z = 2sinx cosx 5 = tan®z + 1
cos T cos? z
$> Vidu 13. Giai cac phuong trinh sau:
a) 2cos’z — 3sinx. cosx + sin’xr = 0 b) sin?z — sin 2z — 3cos’z +2 = 0
c) 4sin’r + 3+/3sin 2z — 2cos’r = 4 d) 4cos’z +sin2z —3 =10
D Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

[BAI TAP TU LUYEN]

> Bai 15. Gidi cdc phuong trinh sau:

a) 2sin’z + (3 AL \/§) sin x cos x + (\/3 — 1> cos’r = —1

N | —

b) sinx + sin 2z — 2cos’r =
c) 4sin’z + 3v/3sin 2z — 2cos’r = 4

3+v2

d) sin’z + v/3sinx cos x + 2cos’z = 5

2

e) 2sin’z — 5sinx cosx — cos’r = —2

f) 3sin’z + 8sinwxcosx + (8\/§ — 9) cos?zr = 0
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP

Két néi tri thirc véi cude séng

y J J J
& Dang 5. Phuvong trinh chra sinz 4+ cosz v@ sin

(¢' Dang phuong trinh

> = COST

e a(sinz + cosx) + bsinxcosz + ¢ = 0.

e a(sinz —cosx)+bsinxzcosz +c=0.

(¢ Phuong phap giai:

e Diat ¢t =sinx + cosx

e Tinh ¢> = (sinz + cosz)® = 1 + 2sinz - cos . Tt day ta tinh duge sinz - cos z.
Ch

[y

e Thay trd lai phuong trinh, chuyén phuong trinh vé an ¢. Gidi tim ¢, sau dé6 tim z
y

@ Diédu kien ciia t 1a —v2 <t < /2.

@ sinz + cosx = v/2sin (mi %)
$> Vidu 14. Giai cac phuong trinh

a) sinzcosx + 2 (sinx 4 cosx) = 2

b) sinz — cosx + 4sinxcosz +1=0
¢) 4v/2(sinx + cosz) + 3sin2r — 11 =0 d) sin 2z + v/2sin (x— Z) =
® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két ndi tri thire véi cude séng

y J/ J J

[BAI TAP TU LUYEN]

> Bai 16. Giai cac phuong trinh

a) sinz —cosz + 7sin 2z =1

. 1 10
c) sinz +cosz + —— + = —
sinx cosz 3

b) cotz — tanx = sinz + cosx

3
d) 1+ sin®z + cos®x = 5 Sin 2z

C-BAI TAP TRAC NGHIEM

> Cdu 1. Phuong trinh 2sinz — /3 = 0 ¢6 cac nghiem 1a
~ B ™
A) i kel > kel
m
T=——+k2m r=—+k2m
L 3 | 3
— B ™
$:E+k27r I=§+/€7T
@ 37T ke Z. @ 9 ke Z.
m
_$:—§+k27f 37:?4—14371'

$> Cau 2. Cho phuong trinh sinz — (m + 1) cosz = 2. Tim m dé phuong trinh c¢6 nghiem.

@m € [0; —2].
@m € (—o00; —2] U [0; +00).

me (—oo;—l—\/g] U [—1—|—\/§;+oo).
@me [—1—\/3;—1—4—\/3}.

¢ Cdau 3. Giai phuong trinh 2cosz — 1 = 0.
@x = i%—l—kj%r,k e 7.

©x:g+k2w,kez.

a::j:%—i-kQW,k:EZ.
@x:ig+2w,k€Z.

T —

D Ldi gidi.

——

o
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP Két ndi tri thire véi cude sbng

y 4/ J J

¢ Cdu 4. Nghiém cua phuong trinh cot 3z = —1 1a
@x:%—i-kwvéikez x:—lﬂ—Q-l—lmrvéikeZ.
T T . T T
©x_ﬁ+k§mkez. D)z = o Ty ik e
 — T
® Loi giai

¢S Cau 5. Nghiém ctia phuong trinh sin 2z =1 1a

@xz%—i—k%r. x:%—l—kw. (CDzzkir @xzz—l-k%r.

$> Cdu 6. Diéu kién can va dt dé phuong trinh msinz — 3 cosz = 5 ¢6 nghiém 1a m € (—oo; a] U
[b; +00) v6i a,b € Z. Tinh a + .

4, B 4. ©o. (D)s.

® Loi giai
¢S Cdau 7. Giai phuong trinh sin 2z = 1.
@m:%r,véikez. ng—i—k%r,vc’jikeZ.
@xz%%—kw,v@ikEZ. @xz%—kk?w,vc’iikez
— —
® Loi gidi

¢S Cdu 8. Trong cac phuong trinh sau phuong trinh nao vo nghiem?

@tanx:m sinxz%. @sinx+cosx:2. @cosxz%.

¢S Cau 9. Nghiém ciia phuong trinh sin 3z = cos z 1a

@xz:l:%+k27r;k€Z. ® = -i—]€7T

T— S—
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Két néi tri thirc vai cude séng

Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

@xz%—kw;kez. @xz%—l—kﬂ;kGZ.

® Li gidi.

$>Cau 10. Tim s6 diém phan biét biéu dién cac nghiém ciia phuong trinh sin 2z — cosz = 0 trén

duong tron lugng giac.
©s. @2

(A)1. B 4.

o Li gidi.

$> Cau 11. Goi z( la nghiem duong nhé nhat ctia phuong trinh 3 sin® x4 2sin z cos ¢ — cos? z = 0.
Chon khéng dinh ding.

@xOE(O;g). xoe(?’?ﬁ;%r). @xoe(g;w). @1'06(71';377().

T — T
o Loi gidi.
. . o N . m S
¢ Cdu 12. Nghiém cua phuong trinh 2 sin (433 - g) —-1=01a
[z = k2 (o — ket
keZ). keZ).
@ x:g+k27r( ) _x:7T+k27r( )
P o= 4k
T=T7 T R A
@ 7r (keZ). D ? 2 (keZ).
2= ke e T T
L2 T 20T
NN

=

T ——
D 1 &i gidi
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP

Két néi tri thirc véi cude séng

54/83 '

> Cau 13. Phuong trinh 2sinaz — 1 = 0 ¢6 bao nhiéu nghiem z € (0; 27)?

4 nghiém.

@ 1 nghiém.

(C) Vo sb nghiem. (D) 2 nghiem.

® Loi gidi.

$> Cau 14. Giai phuong trinh cos2x + 5sinz — 4 = 0.

x = k2m.

@x:g—i-lm.

@ng—i-knr.

~ 1
¢ Cau 15. Cho sinz + cosz = 3 val <z < g Tinh gia tri ctia sin z.

Sinx:1+ﬁ.

@sinle_\ﬁ. 1

4

@Sinx = 1 _6\/7'

 Loi gidi.

¢S Cau 16. Cho g la nghiém ctia phuong trinh sin z cos x + 2(sinx + cos x) = 2. Khi d6, gia tri

cua P = 3+ sin2xg la

T—

S—

y 4/ J J

=
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

@P=3+g.

B P=2.

©P=o. D) P=3.

® Li gidi.

Két néi tri thirc vai cude séng

y 4/ J J

> Cau 17. Giai phuong trinh sin 3z + cos 3z = /2.
2
@x:g—kk%,kez xz%+k%,k€Z.
T T 2T
©= g thm ke Dz TRy ke
R —— .
® Loi gidi.

(A) 4. ® 3.

D)2

$>Cau 19. Phuong trinh cosx = 0 ¢6 bao nhiéu nghiém thudc khoang (—m;7)?

(A) 3. ®) 1.

©2. D) 4.

o Li gidi.

=
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP

Két néi tri thirc véi cude séng

y 4/ J J

~ ? . ) 1
¢ Cau 20. Tong 2 nghiém duong lién tiép nho nhat ctia phuong trinh cos 4z + 3= 01a

o1

T s
©3 T

¢S Cau 21. Cho phuong trinh cos 2x +cos x = 2. Khi dat ¢ = cos z, phuong trinh da cho tré thanh

phuong trinh nao dudi day?

A22+t—3=0. (B 22—t—1=0.

(©22—t—3=0.

(D)2t2+t—1=0.

® Loi gidi.
. ) ) . sin 3x R .
¢S CaAu 22. S6 nghiém phuong trinh pv—— 0 thudc doan [27;47] 1a
A6 ® 2. ©4 D)s.
® Loi gidi.

$> Cau 23. Tim tat ca cac gia tri ctia tham s6 m dé phuong trinh cos? x = m — 1 ¢6 nghieém.

(Al<m<2. B m<2

©1<m<2. D) m>1.

$> CAu 24. Diéu kien cia tham sb thuc m dé phuong trinh sinz + (m + 1) cos # = v/2 vo nghiém

la

T—

S

=
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

@m>0.

y 4/ J J/
@ m < —2.

$> Cau 25. C6 bao nhiéu gia tri nguyen duong ctia m dé phuong trinh m sin 2z — 3 cos 2z = 2m+1

c6 nghiém?

(A 4. ®) 2.

©1 (D) 10.

® Loi gidi.

$> CaAu 26. Tim s6 do goc clia mot tam giac can biét rang c6 s6 do clia mot goc 1a nghiem clia

1

phuong trinh cos 2z = 5
®{%5), {551
3'3'3)7 1274747

©f%5m {¥.m
3"3°3J° L3°6°6)

SCAu27. Cho0 < a < g théa man sin o + /2 sin (z - a) =+/2. Tinh tan <a + %)

2

9+ 42 -9+ 42 9—4v2 9442
BT e e DRSS
® Loi giai
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3. MOT SO PHUONG TRINH LUONG GIAC THUONG GAP

Két néi tri thirc véi cude séng

y 4/ J J

$> Cdu 28. Tinh tong tat cd T cac nghiem thuoc doan [0; 2007 ctia phuong trinh cos 22 —3 cos 2 —

4=0.
(A)T = 100007

T = 51007.

(©)T =5151x.

(D) T = 101007

® Loi gidi.

$> Cau 29. S6 nghiem ciia phuong trinh cos? 2 — sin 2z = /2 + cos? (g + x) tren khoang (0; 37)

bang

A 4.

®) 1.

(©s.

 Loi gidi.

$> Cdu 30. S6 cac gia tri thic ctia tham s6 m dé phuong trinh (sin x—1)(2 cos® x — (2m+1) cos z+
m) = 0 ¢6 ding 4 nghiém thuc thudc doan [0; 27] la

(A)1.

®) 2.

©s. (D) Vo 6.

 Loi gidi.

B Th.S Nguyén Hoang Viet — 80905.193.688 ﬂ



Chuong 1. HAM SO LUGNG GIAC VA PHUONG TRINH LUQNG GIAC K&t néi tri thire véi cude séng

y J/ J J
Bir4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC

A-PHAN LOAI, PHUONG PHAP GIAI TOAN

& Dang 1. Bién déi dua phuorng trinh ve dang phuong

trinh bac hai (ba) déi véi mét ham sb lugng gide

¢ Vidu 1. Giai cac phuong trinh sau

4sin% 2 6sin?z —9—3 92
a) cosQ:z:—i—Qcosx:QSjn?f b) sin” 2z + 0sin” x cos2r
2 ( \/5)
cosz | sinz — —
2
¢) 2tan®z + cosdx = 1 d) 2sin® + 4cos®z = 3sin .

® Loi gidi.
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4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC

Két néi tri thirc véi cude séng

k
c) xz%—kg;x:lm.

y 4/ J J

d) %—Fkﬂ'.

phuong trinh thudc (—m;7)

¢ Vidu 2. Cho phuong trinh cosbzcosa = cos4x cos2z + 3cos2x + 1. Tim cac nghiém cua

® Loi gidi.
Dap sob:
)
» Nghiémxz:l:%+k7r. e Doze(—mm) nén:cz:l:%;x::tg.

=
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

. 9 )
$> Vidu 3. Phuong trinh sin (290 + ;) — 3cos (a: — T) = 1+ 2sinx ¢6 tat cd bao nhiéu

157

® Loi gidi.

5
nghiém thuoc doan [f; —ﬂ ?
6 6
Pap s6

. x:lmr;a::%—l—k%r;x:%r—kk’%r.

e Dozxc [151] nén:zc—ﬁ'a:—g)—7r
6’ 6 6 6

¢ Vidu 4. (A-2002). Tim nghiém thuoc khoang (0;27) cia phuong trinh

cos 3x + sin 3x

5 (sinx +

1+ 2sin2x

) = cos 2z + 3.
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4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC

Két néi tri thirc véi cude séng

Dap so:

» Bién ddi phuong trinh vé 5cosz = 2 cos 2z +

3.

y 4/ J J

e Nghiém x = g; T =—.

& Dang 2. Bién ddi asinx + bcosx

¢ Vidu 5. Giai cac phuong trinh sau
a) cosT — V3sinx = 2cos (290 — %)

(1 —2sinz)cosx
(14 2sinz)(1 —sinx)

c) =43

b) V3 cos bz — 2sin 3z cos 2 — sinx = 0.

d) sinz + cosz.sin2zx + V3 cos 3z =
2 (cos 4z + sin’z).

 Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

Pap sb
T T k2
- 2 _ o et
a) x 5 + k2m; x s 3
T 2T
- =D
o) r=—1gth3

y 4/ J J

™ v v

T T 2

> Vidu 6. (DB1-2008) Tim nghiém trén khoang (0; ) clia phuong trinh
4sin2g —V/3cos2z = 1 + 2cos? <x -

3T
4

® Loi gidi.
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4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC

Két néi tri thirc véi cude séng

Dap so:

5% 27 7T
Nghié = — 4+ k—x=—+k2
e Nghiém x 13 + 3 T 5 + K2m
5T B 177r. B 5%

e Doz € (0;7) nén x = —

& Dang 3. Bién déi dua vé phuong trinh tich

> Vidu 7. Gidi cac phuong trinh sau

a) 2sin®2x +sin7r — 1 =sinx

3
b) cos? x + cos? 2z + cos? 3x = 3

c) sinz +sin2x +4sin 3z +sindzr +sinbxr =0  d) sin® 3z — cos? 4 = sin? 5z — cos? 6z

y 4/ J J
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Két néi tri thirc vai cude séng

Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Dap sb
T T T 2m 5w 2m T kmoom
—k——k—k—kZ} b) =+ —; = +kr (k€Z
Vgt TRy ke gty thr (ked)
k
c)ac:—7T d)z=k=—, x=Fk=
3
¢ Vidu 8. Giai cac phuong trinh sau
a) (2sinz — cosz)(1 + cos x) = sin’x b) 2cosz —sin2z = 1 + cos 2z
¢) (2cosx —1)(2sinx 4 cosx) =sin2z —sinz  d) (2sinz — 1) (2sin2z + 1) = 3 — 4 cos? .

o Li gidi.
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4. MOT O PHUONG PHAP GIAI PT LUONG GIAC K&t néi tri thirc véi cude séng

y 4/ J J

Dap sb
5
a)x:7r+k27r;x:%+k27r;x=%+k27r. b)x:g—l—kﬂ;x:k%r.
c) x::tg—l—k:%r;x:—%-l—lm. d)xzk%,xz:l:%—i—k?%,x:%—i—k%r,w:
om
— + k27,
G + k21
¢ Vidu 9. Giai cac phuong trinh sau
1 1 . (Tm . : 1 1
a) sinx+ . ( 37r) = 4sin (Z—x> b) sin2z + sinz — Ysns  sn2z = 2cot 2z
sin(z — —
2
¢) (sin2z + cos2z)cosz +2cos2x —sinz =0 d) sin2z — cos2z + 3sinz —cosz —1 =0
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y J/ J J

& Dang 4. Mét s bai todn bién luén theo tham sé

dé phuong trinh c¢6 nghiem z € [5, 71'].

$> Vidu 10. Cho phuong trinh cos2z + 5cosx + 5 —m = 0. Xac dinh tat ca cac gia tri clia m
T

® Ldi gidi.

Dap so:
e Bién doi cos2z = 2cos?x — 1.

e Két qua m > 1.

$> Vidu 11. Biét ring phuong trinh v/2sinz + v2cosz +m? —m = 0 (v6i m la tham s6) c6
nghiém khi m € [a;b]. Tinh gid tri biéu thitc P = a® + b°.
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4. MOT O PHUONG PHAP GIAI PT LUONG GIAC K&t néi tri thirc véi cude séng

y 4/ J J

Dap sob:
e Stt dung diéu kién c6 nghiem.

o Két qua m € [—1;2]. Vay P =5.

$® Vidu 12. Cho phuong trinh (sinx + 1)(sin 2z — msinz) = m cos? z. Tim tap tat ca cac gia tri
thuc cia tham s6 m dé phuong trinh c6 nghiém trén khodng (O; %)

® Loi gidi.

Dap s6:
e Phan tich nhan t;

V3

oKétquéO<m<7.

¢ Vidu 13. Tim tap cac gia tri thuc ctia tham s6 m dé phuong trinh msin?z — 3sinx cosx —
3
m — 1 =0 ¢6 dang ba nghiém thudc khoang (O; ;)

® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

Dap sob:

e Chia hai vé cho cos? x.

e Két qua m € (—oo; —1).

m sin

2

x ¢6 ding 2 nghiém z € [0;

3

> Vidu 14. S6 cac gia tri nguyén ctia m dé phuong trinh (cosz + 1) (4cos2x — mcosx) =
27

o),

® Li gidi.
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4. MOT SO PHUONG PHAP GIAI PT LUONG GIAC

Két néi tri thirc véi cude séng

Dap s6:
e Phan tich nhan ti.

e Két qua: m € Z nen m € {-3; -2}

B-BAI TAP TU LUYEN

z £ 7T
Dap so: T= it =

$>Bai 1. Tim x thuoc doan [0; 14] nghiem ding phuong trinh cos 3z — 4 cos2x + 3cosz — 4 =0

3 5% T
—_—r = — =
2 )

S 229 N . X
$©Bdi 2. Giai phuong trinh tanz + cosx — cos?x = sinx (1 + tan z. tan 5)
Dép s6: x = k27

(2 — sin®22) sin 3z

> Bdi 3. Giai phuong trinh tan*z + 1 =

costx

2 5% 2

. s
Dapso:z = —=+k—;0 = — —
ap so: x 18+ 3T +

3 18 3

.4 4

~ . « 0. N 1

<O Bai 4. Giai phuong trinh w
5sin 2z 2

= —cot2x —

8sin 2z

Dap s6: x = :I:% + k.

y J/ J J

e
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

y 4/ J J

¢ Bai 5. Giai phuong trinh sin? (g - %) tan?z — cos

Dépsé::cz7r+k27r;x:—%+k7r.

oL
- =0.
2

> Bai 6. Giai phuong trinh cos 2z + cos x (2tan?z — 1) = 2
Dap s6: . = 2k + 1)m, z = :i:% + k27

$>Bai 7. Giai phuong trinh 3 — tanx (tanz + 2sinz) + 6cosz = 0
Dap s6: v = :I:g + km

SO Bai 8. 3cosdxr — 8cosbx + 2cos?r + 3 = 0.
g T T
Dap so: x = Z+k§’ x = km.

$>Bai 9. Giai phuong trinh 2 47 _

QCOS$7?1
Dap s6: x = 3t (2k + 1)m.

(2 = \/§> cos & — 2sin? (E — z) .

2
~ . . 1
$>Bai 10. Gidi phuong trinh 22 (cosz — 1)

- =2(1 +sinx).
SINT + COoS T

Dépsé:x:—g-i-lmr, x =7+ k2m.

2cos4dx

$>Bai 11. Giai phuong trinh cot z = tanz + —
sin 2z

Dap s6: v = :|:§ + k.

$>Bai 12. Giai phuong trinh cos?3z. cos 2z — cos?z = 0.
) I
Dap so: x = kE

$>Bai 13. Giai phuong trinh 1 + sinx + cos z + sin 2z + cos 2z = 0.
P 2
Déap so: z = —% + km; x = i% + k2,

¢ Bai 14. Giai phuong trinh cos 3z. cos® ¢ — sin 3. sin® z = #

P T us
Dap so: v = +— + k=
ap so: x 16+ 5

> Bai 15. Giai phuong trinh: (1tanx)(1 + sin2z) = 1 + tanz.

Dap s6: v = —Z—i—knr; x = km.

71/83 ’
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4. MOT O PHUONG PHAP GIAI PT LUONG GIAC K&t néi tri thirc véi cude séng

y 4/ J J

> Bai 16. Giai phuong trinh cot z — tanz + 4sin 2z = — .
sin 2x

Dap s6: v = :I:g + k.

Cos 2x
1+ t%nx
Dap s6: x = 7 + k.

$>Bai 17. Giai phuong trinh cotz — 1 = + sin?z — 5 sin 2.

¢ Bai 18. Giai phuong trinh 2cos?r + 2v/3sinzcosz + 1 = 3(sinz + V3 cos z).

. 2
bap so: z = % + k.

o . _ . sin2z  cos2x
¢S Bai 19. Giai phuong trinh + — = tanx — cot .
cosr  sinz

Dép s6: = :I:% + ko,

$>Bai 20. Xéc dinh m dé phuong trinh 2 (sin'z + cos'z) 4 cos 4z + 2sin 2z — m = 0(*) ¢6 it nhét

mot nghiém thudc doan [0; g]

.10
bap so: 3 <m< -2

72/83 ' B Th.S Nguyén Hoang Viet — 8 0905.193.688 ﬂ



Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi ri thirc véi cude séng

y 4/ J J

Bu15. DE ON TAP CUOI CHUONG

BAI TAP TRAC NGHIEM

$>Cau 1. Tim tap xéc dinh 2 clia ham s6 y = — tan .

@QzR\{g—i—lm,keZ}. B 2 =R\ {kn.k € Z}.
(©) 9 =R\ {k2r,k € Z). @9=R\{%+k2w,kez}.

$>CaAu 2. Tap gia tri cia ham s6 y = cosx 1a tap hgp ndo sau day?
R. (—00; 0]. (©)[0; +00]. D [-1;1).

o Li gidi.

$> Cau 3. Tap gia tri ciia ham s6 y = sin 2z 1a
B [-2;2]. [0;2]. ©-1;1). (D) [0; 1].

® Loi gidi.

$> Cau 4. Menh dé ndo dudi day dang?
(A)Ham s6 y = sinz 1a ham sb chén. Ham 86 y = cosx 1a ham s6 chén.
@ Ham s6 y = tanx 1a ham s6 chén. (D) Ham s6 y = cot z 1 ham s6 chén.

® Loi gidi.

¢S Cau 5. Tim ham s6 1& trong cac ham s6 sau:
@yzsin%c. yzazcos2x. @y:azsinx. @y:cosx.

2cosdr —1 __
— &
cosz + 1

(A) 2 =R\ {r +kn;k € Z}. B 2 =R\ {k2m;k € Z}.

$> Cau 6. Tap xac dinh ctia ham s6 y =

T— S—
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5. DE ON TAP cUOI CHUONG K&t néi i thire véi cude séng

y 4/ J J

@.@:R\{g—l—kﬁ;kGZ}. @.@:R\{W—I—k%r;kGZ}.

 Loi gidi.

$>Cau 7. Ham s6 y = sin 2z ¢6 chu ky 1a

AT = 2n. T:g. ©rT=r D) T = 4r.

$© Cau 8. Duong cong trong hinh dudi day 1a do thi ctia mot ham s6 trong bén ham s6 dude liet
ké & bon phuong an A,B,C,D. Hoéi ham s6 d6 1 ham s6 nao?

@y:1+sinm. yzl—sinx. @y:sinx. @y:cosx.

 Loi gidi.

$>Cau 9. Tim gia tri 16n nhat va gia tri nhé nhat ctia ham s6 y = y/cosx + 2.
@maxy:?)va miny = 1. maxy:?)va miny = 2.

@maxy:?)va miny = —2. @maxy:?)va miny = —1.

¢S Cau 10. Tim gia tri 16n nhat, gia tri nhé nhat clia ham s6 y = 3sinx + 4 cosz — 1.

@maxy:4,miny:—6. maxy=6,miny=—8.
@maxy:fi,miny:—él. @maxyz&minyz—6.
® Loi gidi.
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y 4/ J J

@Sz {g—l—ka—%—l—kQW,kEZ}.

@S: {g—i-lmr,—g-i-lm,kEZ}.

¢S Cau 11. Tap nghiém cua phuong trinh 2cos2x +1 =10 la

Sz {2%+k27r,—2§+k27r,k62}.

@S:{%-l-lm,—%—i-lm,k:EZ}.

T — T
® Loi gidi.
$> Cau 12. Phuong trinh sin (x - g) =1 ¢6 nghiém la
) )
@x=§+lm. x=§+k2w. @ngﬂm. @x=g+k2w.
® Loi gidi
~ 0 2 N \/g R e X
¢ Cau 13. Nghiém ctia phuong trinh tanxz = -y dugce biéu dién y
tren duong tron lugng gidc ¢ hinh bén 1a nhitng diém nao? B
(A)Diém F, diém D. D C
Di¢m C, diém F.
(C)Diém C, didm D, diém E, diém F. A 0 Az
(D) Diém E, diém F. o Ja
B/
T — T

® Loi gidi.

@S:37r. @Sz27r.

$> Cdu 14. Goi S 1a tong cac nghiem thudce khoang (0; 27) ciia phuong trinh 3 cosx — 1 = 0. Tinh
S.
S =0. S =A4r.

® Loi gidi.

- . 1
¢ Cau 15. S6 nghiém ctia phuong trinh cosx = 5 thuoc doan [—27; 27] 1a
(A)4. ®) 2. ©s. D) 1.

o Li gidi.

e
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y 4/ J J

¢S Cau 16. S6 nghiem thie clia phuong trinh sin 2z + 1 = 0 trén doan [—3;; 10#} la
(A 12. (B) 11. (©)20. (D) 21.

$>Cau 17. Cho phuong trinh 2sinz — /3 = 0. Tong cac nghiem thuoc [0; 7] ctia phuong trinh
da cho la 5 /i
7r T T
@& 3 5 5

® Loi gidi.

¢S Cau 18. Phuong trinh sinz = cosz ¢6 bao nhiéu nghiém thuoc doan [—m;7]?
(A)o. B 1. (©s. D) 2.

® Loi gidi.

> Cau 19. Phuong trinh cos? z + cosz — 2 = 0 ¢6 bao nhiéu nghiém trong doan [0; 27].

on ®s. ©:2 D@1

® Loi gidi.

> Cau 20. Phuong trinh sinz — v/3cosx = 1 ¢6 tap nghiem la

@) {—% + k2 g + k27r}, Vi k € Z. {—g + k2 —g ¥ k27r}, Vi k € Z.

T— T—
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC

Két néi tri thirc vai cude séng

@{%—I—k%r;g—i—k%r}, véi k € Z.

y 4/ J J

@{_%+k7r;—g+kﬂ},véikez.

® Loi gidi.

$> Cau 21. Tim tat ca cac gia tri ctia tham s6 m dé phuong trinh cos? 2 = m — 1 c¢6 nghiém.

@mSQ.

B1<m<2.

©m>1. D1<m<2.

la

0 . m<—2.

—)

®
v

3
IN

$> CAau 22. biéu kien ciia tham s6 thyc m dé phuong trinh sinz 4+ (m + 1) cos x = /2 vo nghiém

@—2<m<0. @m>0.

$> CAu 23. S6 cac gi tri thuc ciia tham s6 m dé phuong trinh (sin 2 —1)(2 cos? 2 — (2m+1) cos -+
m) = 0 ¢6 ding 4 nghiém thuc thuoc doan [0;27] 1a

(A)1. ®) 2.

@ 3. (D) Vo sé.

o Li gidi.
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5. DE ON TAP cUOI CHUONG

Két néi tri thirc véi cude séng

y 4/ J J

> CaAu 24. Gia st A, B 1a cac diém lan lugt ndm y
trén cac do thi ham sd y = sinz vy = cos x sao cho I O |
2 2 ”’ :’\,\’ \\ —
tam giac OAB nhan diem G (g, %) lam trong RN O . o Y= rose
’ ,/ \\\ \\\ ,,/ SU
tam. Tinh dién tich S ctia tam gidc OAB, biét 24 € e X N
(U5 B y=sinz
3 2 2 3
B s="V3 ®5="2 ©s="Y2 ©s="V3
6 8 6 8
T —— —

& Cau 25. Cho hai diém A, B thudc do thi ham sb6
y = sinz trén doan [0; 7], cac diém C, D thuoc truc Ox

thoa man ABC'D la hinh ch@ nhat va CD = 2% Tinh

D c
do dai doan BC. ‘ 0= i
2 1 -
ny ®p  ©1 ef
R ———— - . ——
® Loj giai
BAI TAP TU LUAN
$>Bai 1. Giai phuong trinh
a) 2sinz —1=0 b) 2cos’z — 3sinz —3=0
c) sinw + cosx = v/2cos 5z d) cos3z + cosx + sin2x =0
o Bdi 2. Gidi phuong trinh
4 (sin z + cos* z) — 2sin’z — 1
a) 4sinzcosz — 3 = 3(sinz + cos x) b) (sin 2 + cos’a) el — (0
1 — cos4x
—HET

e
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC
y J/ J J
B-DE 5O 2
BAI TAP TRAC NGHIEM
$>Cau 1. Tim tap gia tri T clia ham s6 y = sin 2z
@T:[—%;%]. B T=[22 ©T=R DT =[-11].
— —————— 8
¢S Cau 2. Tim tap xac dinh 2 ciia ham s6 y = tan 2z.
A2 = ]R\{ +k:7rkeZ} ® 2= R\{ +k7rkeZ}
© 2 =R\{kn,k € Z}. @2-r\{7+ keZ}
$>Cau 3. Tim tap xac dinh 2 ciia ham s y = cot (x — %)

® 2 = R\{ +km,k e},

A 9 = R\{ +k2m k €2},
D 2 = R\{ +k7rkeZ}

©2=R\ {—g—’rk%‘(,k ez}.
m—
¢S Cau 4. Chu ki tuan hoan T clia ham s6 y = cos z 13 bao nhiéu?
(AT = 2n. B T=r. © 7T =3n. @T:%.
s—
sin @

1—cosz’

$>Cau 5. Tim tap xac dinh 2 cia ham s6 y =
® 2= R\{ +k:7rk:€Z}

(A2 =R.
(© 2 =R\ {kn,k € Z}. @.@—R\{k%,kez}.

$> CaAu 6. Hinh nao dudi day 1a do thi clia ham s6 y = sina?
Y

{

T
ZSinx— 1

$>Cau 7. Tim gia tri nhoé nhat m clia ham s6 y =

@m:—g. m:—g. @m— @m:—l.

—
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PE ON TAP CUOI CHUONG K&t néi tri thic véi cude séng

y J/ J J
$>Cau 8. Tim gia tri 16n nhat M cta ham s6 y = 2 — | cos z|.
(A M=1. (B) M =3. © M=o D) M =2.
—
$©Cau 9. Tim gia tri 16n nhat M ciia ham s6 y = sinx — cos z.
(A) M =0. B M=1. ©M=2 D© M =2
T — R
$>Cau 10. Héi z = % 13 nghiém cta phuong trinh nao sau day?
1
@sinle. (B) cosz = 1. @Sinx.cosxzé. @sinQa::O.
R — R
V3
¢S Cau 11. Tim tap nghiém S cua phuong trinh sin 2z = —
A)S = {——Jrknr 3+k7rk€Z} { g k27r—+k27rk€Z}
o m
@S:{E-l-k%nf-i—k%,kez}. Ds= {E-i-k@’ﬂ' + k2r, keZ}
T — e
¢S Cau 12. Tim tap nghiém S ctia phuong trinh sin . cos (:c Z) = 0.
(A) S = {kn,k € Z}. S:{%ﬁ—l-k:,kez
(©)S = {——+k:7rkeZ} @S:{lm,%Jrkw,keZ}.
I —— R
> Cau 13. Tim tap nghiem S cta phuong trinh cos 2z = /2.
(A)S=R.
1 1
S = {—5 arccos /2 + k; éarccos\/ﬁ+k7r,k: € Z}.
©5=wo.
T T
LT ko T ko }
OF { T+ hem 7+ ke
T —— R
> Cau 14. Tim tat cd cac gia tri clia s6 thiyc a dé phuong trinh cos z = a? ¢6 nghiem.
(AacR. B aecR \{0}. @aG[O;l]. (D) a e [-1;1].
T —— e
¢S Cau 15. Phuong trinh tan 2z = 1 ¢6 ho nghiém 1a
®m:g+%ﬁ,kez. x:%—l—kw,kEZ.
@x:%+k2w,kez. @ngmzw, kel
—
> Cau 16. Ho nghiém ctia phuong trinh cotz + /3 = 0 1a
@xz—g—i—lmr,keZ. x:—%—i—lm,kEZ.
@x:%—l—k%r,kez. @xz%-{—lm,keZ.
R —— R
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Chuong 1. HAM SO LUGONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi i thare véi cude séng

y J/ J J
$>Cau 17. Phuong trinh tan (2z + 12°) = 0 ¢6 ho nghiém la
(A)x = —6° + k180°, k € Z. (B) # = —6° + k360°, k € Z.
(C)x =—12°+ k90°, k € Z. D)z = —6° + k90°, k € Z.
T — P

$> Cau 18. Cho phuong trinh asinz + cosz = b. Tim tat ca cac gia tri thuc ciia a, b dé phuong
trinh c6 nghiém.

(A)b?—a? < 1. B —a<1. Or+a<1. D)5 +a> 1.

T — N

> Cau 19. Tim tap nghiém cia phuong trinh sinz 4+ v/3cosz = —2.

WS =2. ® S = {——+k2w\kez}
@S:{%+k2ﬂ|kez}. D) s = {——+k7r|k€Z}

T —— T

$>Cau 20. Tim s6 nghiem thuoc khodng (—m; ) clia phuong trinh sin x + sin 2z = 0.

A)s. ® 1. ©2. D) 4.

T — T

$> Cau 21. Giai phuong trinh 2sinz + 5sinz + 3 = 0.

@x:—g—i—/m,kez. m:—g—kk?nrk:ez.
T i
@x——§+k2w,keZ. x——§+2 k€.
T .

$> CAu 22. Giai phuong trinh cos2x — 5sinz — 3 = 0.

@xz—%+k7r,x=%+k7r,k€Z. xz—%+k37r,w=%+k3W,kEZ-
@x:—%+k4w,x:%+k4w,kez @mz—%-i-k??T,I:%‘Fk%ﬂkEZ-
- =

$> Cau 23. Giai phuong trinh tanz + 2cotz — 3 = 0.

@xzi%JerwkeZ. x::t%+k7r,k€Z.
@x———I—lm xr = arctan2 + km, k € Z. @m:i%—kkﬁ,m:j:arctanQ—kkw,kEZ.
I —— R

> Cau 24. Tim tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh mcosz +sinz = 1 —m
¢6 nghiém.
@mgo. m<0. ©m20. @m<1.

T — ——

$> Cau 25. C6 bao nhiéu gia tri nguyén ctia tham sé6 m dé phuong trinh cos2z — cosz +m = 0
¢6 nghiém?

@) 4. ® 3. ©2. 1.

o Li gidi.
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y 4/ J J

BAI TAP TRAC NGHIEM

$>Bai 1. Giai cAc phuong trinh sau:

a) 2cos (x—%) = 0; b) sin3x — cos 3z = —1;

¢) v3tan (g —x) =1; d) sinz + cosz —sinzcosz = 1.

$>Bdi 2. Tinh tong cac nghiem z € [0;100] cia phuong trinh

cosdx —cos?x + 1

> = cos 2z + tan® z.
Ccos? x

_HET—
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Chuong 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG GIAC K&t néi ri thirc véi cude séng

y J/ J J
Bi16. DAP AN TRAC NGHIEM CAC CHU DE

DAP AN TRAC NGHIEM BAI 1
C. Al[c. BJ[C. D|[c. AJ[Cc. DJ[C. D][C. ¢][C. B][C. B][C. C
c. pllc. B|[C. ¢|[c. Allc. D|[c. Al[c. B]|[C. A|[C. A|[C. B
C. Allc. Allc. p|[c. c|[c. allc. allc. ¢llc. ¢llc. aAllC. D
DAP AN TRAC NGHIEM BAI 2
c. cl[c. Allc. B|[c. ¢|[c. D|[c. DI[C. B][C. Al[C. A][C. D
c. pjlc. B|[c. ¢|[c. c|[c. B|[C. B|[C. ¢][c. ¢][c. D][C. D
C. Allc. Allc. p|[c. ¢|[c. allc.c B|[c. AllC. B
DAP AN TRAC NGHIEM BAI 3
c. Bl[c. B|[CC Al[c. D|[Cc. B|[C. ¢|[c. ¢|[c. ¢][c. B][C. B
C. Allc. D|[c. D|[c. D|[Cc. B|[C. D|[C. D]|[C. D][C. C][C. C
C. Allc. Allc. Allc. B[c. ¢|lc. ¢l[c. allc. allc. ¢lC. B
DAP AN TRAC NGHIEM DE SO 1
A AJ[A DA C[a BIA BJ[A DA C|[A DA B]|[A A
A. CJ[A. BJ[A. A|[A. DA, A|[A A|[A A|[A DA C|[A C
A. DIJ[A. C|[A. B|[A B|[A B
DAP AN TRAC NGHIEM DE 56 2
. D[22 D3 B4 All5 DJ6 D7 DI D0 D0 C
11. A ||12. D [|13. C ||14. D |{15. A ||16. B ||17. D [|18. A ||19. B []20. A
21. C [|22. D ||23. C [|24. C ||B. A

o
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