TRUGNG DAL HOC SU PHAM HANOI PE CUONG MON TOAN LOP 11 GIUA HQC KY 1
TRUONG THCS VA THPT NGUYEN TAT THANH Nim hoc 2023-2024

A.NQIDUNG CAN ON TAP

Cac dang toan vé goc luong giac, gia tri lwong giac cua 1 goc, ap dung cac cong thirc luong giac vao giai cac
bai tap, ham sé luong g1ac phuong trinh lwong gidc co ban, cac bai tap vé diy sd, cap sb cong va cap s6 nhan
B. BAI TAP THAM KHAO
I. BAI TAP TRAC NGHIEM

. .2 2 x : 5 :
Cau 1. Trén duodng tron lugng gidc cho diém M biéu dien goc luong gidc o = ?ﬂ- , g0c lugng gidc nao trong
cac goc luong gidc sau day khong biéu dién boi diém M trén dudng tron luong giac?
T 177 11z 197

Y —_y B. ——. c.—. D. ———.
6 6 6 6

Ciau 2. Cho duong tron lugng gidc gdc 4 nhu hinh vé. Biét A0C = %,A/O\D = 5?7[ D, O, F thang hang va E, O,

C thang hang. Diém biéu dién cac goc luong gidc co sd do —%+ kr; (ke Z) 1a diem:

y
B
D C
A’ @) A4 X
E F
B!
A.Diém D, F. B. Diém B, B". C.biém E, D. D.biém C, F.

A A \ . e -2 T S s A T . - e
Cau 3. Trén dudng tron lugng gidc, cho diém M bicu dién goc lugng gidc c6 s6 do B} thi moi goc luong giac
cung biéu dién boi diém M trén dudng tron lwong gidc co dang:

AZ B. Z4kZ,(kez). €. Z+kom(keZ). D.Z+kn(keZ).
2 2 2 2 2

Céau 4. Cho hai goc lugng giac co sd(Ox,Ou) =45°+m360°,meZ va sd(Ox, Ov) =—-135°+n360°,neZ. Ta
cO haitia Ou va Ov

A. Tao v6i nhau goc 45°.  B. Trung nhau. C. Dbi nhau. D. Vuodng goc.

Cau 5. Biét goc lugng giac (Ou, Ov) c6 s6 dola — %ﬂ' thi gbc (OM,OV) ¢6 s6 do duong nho nhit la:

A. 0,67 . B. 27,4r. C.l,4r. D. 0,4~
Cau 6. Goi «1a sb do cua mot goc luong giac co tia dau 04, tia cudi OB. Khi d6 sb do cua cac goc lugng giac
bat ki c6 tia ddu O4, tia cudi OB bang

A.Tt—a+k2rx, keZ. B. a+kr, kel C.a+k2r, kel. D. —a+k2rx, keZ.
CAu 7. D6i s6 do 160° raradian: A. %[ B. 9?7[ C. % D. S

Cau 8. Cho dudng tron (0) duong kinh bang 10cm . Tinh d6 dai cung c6 s6 do %

A. 3o cm. B. 3o cm. C. 17—7Tcm D. 3o cm.
12 2
Cau 9. Banh xe dap ctua nguoi di xe dap quay dugc 2 vong trong 5 gidy. Héi trong 2 gidy, banh xe quay dugc
1 gbc baonhiéurad: A. é7r. B. é?T. C. §7r. D. é7r.
3 5 5 8
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. 5 .
Cau 10. Biét gbc « théa man 27 <a < 77[ Khang dinh nao sau day sai?

A. cosa >0. B. sina >0. C. tana<0. D. cota>0.
Cau 11. Cho tam giac ABC khong vudng. Dang thirc nao sau day dang?

A. sin(A+B+2C)=-sinC. B. cos(2A+B+C)=cosA.

C. cot(A+B+2C)=tanC. D. tan(24+B+C)=cot 4.
Cau 12. Cho o 1a mot goc lugng giac bat ky, ménh dé nao sau day dung?

A. cos(z—aj:sina. B. tan(z—aj:—tana.

2 2
C. sin(%—a]=sina. D. cos(%—aj =cosq.

Cau 13. Cho A = COS(%T”—!I}] +281n($ —257”}+Cos(217z—x)+sin(x+227r) va T <x < 3?” Khang dinh

nao sau day dang?

A.A>0 B. A=-2sinz C. A<0 D. A=-cosz
Cau 14. Biét tan x =2 . Gia tri ctia biéu thirc P = w bang
2sinx—3cosx
A. 9. B. 13. C. 2. D. 2.

Cau 15. Cho sina:%(%<a<ﬂJ va cosﬁzg [0<ﬂ<%} , khi d6 gia tri ctia cos(a—,B) bang
A SOV254 g 024 c & p, Z0V2-4

15 15 15 15

sin’ a +cosa

sina—4cos’a’

_3t __29 1 37

A. P= . B. P=— . C. P=—. D. P=—.
98 118 2 26

Ciu 16. Biét cot (a + %J =3. Tinh gié tri biéu thic: P=

Cau 17. Biét sina = % Tinh sin(a+%]—cos(a +§j

NG 1 1

. — B. ——. C. —. D. 0.
2 2 2
Céu 18. Xét a,b 1a cac goc tuy y, ménh dé nao dudi day dung?
A. sin(a—b) =sina.cosb—cosa.sinb. B. sin(a+b) =sina.cosb—cosa.sinb.
C. cos(a+b)=cosa.cosb+sina.sinb. D. cos(a—b)=cosa.sinb+sina.cosb.

Cau 19. Xét a la goc tiy ¥, ménh dé nao dudi day diing?

A. sin2a=sina+cosa. B. sin2a=2sina.cosa. C. sin2a =cos’a—sin’a. D. sin2a =2sina.

Cau 20. Véi diéu kién xac dinh, rat gon biéu thie 7 = ﬂ, ta duoc:
1-sin2x
T i o
A. T=tanx. B. T =tan| ——x |. C.T=tan| x——|. D. T =tan| x+—|.
4 4 4
Cau 21. Biét cosa = % Gia tri clia cos2a bang:
A. cosQoz:l. B. cosQoz:Z. C. cosQozzz. D. cos?oz:—z.
3 9 3 9

Céu 22. Bién dbi tich thanh tong biéu thic P = 2.sina.sin 2a , ta duoc .
A. P=cos3a—-cosa. B. P=cosa+cos3a. C. P=cosa—cos3a. D. P=cos4a.
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\/Esinx

Céu 23. Tap xac dinh cia ham sd y = la:
1+cosx

A. R\{%+k7r|keZ}. B. R\{z+k2x |k eZ}. C. R D. R\{1}.

Cau 24. Tap xac dinh ciia ham s§ y = Isinx la
I+cosx
A. R\{ﬂ+k27r,keZ}. B. R\{kZiz,keZ}.
4 V4
C. R\{Z+k27z,keZ}. D. R\{5+k27z,keZ}.

Céu 25. D) thi duéi day 1a d6 thi ciia ham sb

A. y=sinx. B. y =cosx. C. y=tanx. D. y=cotx.
Céu 26. D) thi dudi day 1a d6 thi ciia ham s6

Y

i
. -4 . »
=3z -5k/2 i3 3n d

A. y=sinx. B. y=cosx. C. y=tanx. D. y=cotx
Cau 27. Nghiém cta phuong trinh sin (x+10°)=-1 la

A. x=-100°+£360°. B. x=-80°+£180°. C. x=100°+£360°. D. x=-100°+£180°.
Cau 28. Vi gia tri nao cua m thi phuong trinh sinx =m c6 nghi¢m:

A. m<1. B. m>-1. C. -1<m<I. D. m<-1

Cau 29. S6 nghiém cia phuong trinh: V2 cos (x+§} =1 v6i 0<x<2rx la
A. 0. B. 2. C. 1. D. 3.

Cau 30. Tim tong cac nghiém cta phuong trinh: 2 cos(x —g) =1 trén (—m; 1)

A 2T B. = c.ir p. /"
3 3 3 3
Cau 31. Nghiém am 16n nhat va nghiém dwong nho cta phuong trinh sin4x+cos5x =0 theo thir tu 1a:
A.xz—ﬁ;xzz. B.x=—£;x=2—”. C.x:—z;xzz. D.xz—ﬁ;xzz.
18 2 18 9 18 6 18 3
A A . V4 .
Cau 32. Nghiém cua phuong trinh cot(x +Zj =3 1a
A x=1tkr. B. x=2+kr. C.x=—"rtkr. D. x=2+kx
12 3 12 6
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Cau 33. Phuong trinh tan x.cotx =1co6 tdp nghiém la

A. T:R\{%”;kez}. B. T:R\{§+kﬂ;keZ}.C. T=R\{z+kmkeZ}). D.T=R

. . uy =1 . X . 3
Cau 34. Cho day so (un) , bict { l v6i n>0. Ba so hang dau tién cua day so do 1a lan luot 1a nhitng

un+1 = un +

s6 nao dudi day? A. —1;2;5. B. 1;4;7. C. 4;7:10. D. -1;3;7.
Céu 35. Cho day so (u, ), biét u, =(—1)".2n. Ménh d& nao sau day sai?

Al u =-2. B. u, =4. C. u; =-6. D. u, =-8.

A ~o A £ n+l 8 .z S TR <
Cau 36. Cho day so (un), biet u, = il So s la s6 hang thir may cua day s6?
n+

A. 8. B. 6. C.5. D.7.
Cau 37. Trong cac diy so (u,) cho boi sO hang tong quat », sau, ddy s6 nao la day so tang?

Acu =L B.u —1. C.u =115 D,y =21

2" n 3n+1 n+1

Ciu 38. Trong cac diy sd (u,) cho boi sO hang tong quat », sau, ddy s6 ndo la day sé giam?

A. un:i. B. un:3n_1. C.u =n" D. u, =n+2.

2" n+1

Ciu 39. Cho day sb (u,), v6i u, =(~1)". Ménh d& nao sau day dang?

A. Diy sd (u,) 1a ddy s6 ting. B. Diy s6 (u,) la diy sb giam.

C. Day sb (u,) la diy s6 bi chan. D. Diy s6 (u,) 1a ddy s6 khong bi chan.
Céu 40. Cho day s6 (u,), biét u, = g”—: Ddy s6 (u,) bi chan trén boi sé nao dudi day?

n
AL B. 1. c L D. 0.
3 2

Céu 41. Cho cap s6 cong (u, ) c6 sb hang dau u, va cong sai la d. Ménh dé nao sau déy 1a ding?

A u, =u+(n-1)d, n>2. B.u,=u+d, n>2,

C.u,=u+(n+l)d, n>2. D.u,=u+nd, n=2.
Céu 42. Viét ba s6 hang xen giita cac s6 2 va 22 dé duoc mot cap sb cong co nam sd hang.

A.7;12; 17, B. 6; 10; 14. C.8;13; 18. D. 6; 12; 18.

Céu 43. Cho hai s6 —3 va 23. Xen k& giita hai s di cho n s6 hang dé tit ca cac sb do6 tao thanh cép sb cong co
cong sai d =2. Tim n.

A. n=12. B. n=13. C. n=14. D. n=15.
Céu 44. Trong cac diy sb dugc cho dudi day, day sb nao la cap sb cong?
A.u,=7-3n. B.u =7-3" C. un=3l. D.u, =73"
n
Céu 45. Cho cép s6 cong (u,) ¢6 d =-2 va S, =72. Tim s6 hang dau tién u,.
1 1
A. u =16. B. u, =-16. C.uy=—. D.u=——.
16 16

CAu 46. Tong n s6 hang dau tién ciia mot cap so cong 1a S, =n” +4n voi ne N . Tim s0 hang tong quét u,

ctia cp sd cong da cho.
n—1
8
A. u,=2n+3. B. u, =3n+2. C.u,=53" D. u, :5'(§j )

Céu 47. Cho mot cap s6 cong (u,) c6 u, =1 va téng ciia 100 s6 hang dau tién 24850 . Tinh gia trj clia biéu
1 1 1 1

thirc S = + +..+ + ?
U, Uyl Ugglyg  Uyglsg
4
A. §=123 B. S=— C.S=i D.S=£
23 246 246
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Ciu 48. Cho cip s nhan (un) ¢6 s6 hang dau », va cong bdi 1a g. Ménh dé nao sau day 1 diing?

Aou =uq", n>2. B. u,=u.q, n=2. C.u =u.q", n>2. D.u =u.q", n=2.
Céu 49. Mot cip s6 nhan c6 hai s6 hang lién tiép 12 16 va 36. S6 hang tiép theo 1a:
A. 720. B. 81. C. 64. D. 56.

Cau 50. Mot gia dinh can khoan mét cai giéng dé 1ay nude. Ho thué mot doi khoan giéng nuéc dén dé khoan
giéng nudc. Biét gia cua mét khoan dau tién 1a 80.000 dong, ké tir mét khoan thir 2 gia ciia mdi mét khoan ting
thém 5000 dong so vai gia cia mét khoan trude do. Biét can phai khoan sau xuéng 50m méi c6 nude. Vay hoi
phai tra bao nhiéu tién dé khoan cai giéng do?

A. 5.2500.000 dong. B. 10.125.000 dong. C. 4.000.000 dong. D. 4.245.000 dong.

II. BAI TAP TU LUAN

Bai 1. Cho o thoa man tana =3, tinh gid tri cua cac bicu thirc
. 22 : 2 :
sina +5cosa sin” a +sin2a —cos” a sina —cosa

- . ’ - .2 . 2 0 - .3 3
3sina + 6¢cosa sin“a —sinacosa +6¢cos” o sin" o —6¢o0s”

Bai 2.

a)Cho O<a<rm,cosa= Tinh cac gia tri sau: sin«,tan &, cot «,sin 2, cos2a.

1
=

b) Cho By <a<r,sina= . Tinh cac gia tri sau: cos«,tan &, cot &,sin 2, cos 2a.

-

Bai 3. Cho %<a <m,cosa =_—1. Tinh sina;sin(a +%j;c0s(a+%);sin(a—%);cos((x—%j.

3

Bai4.Cho 0<a< g,cos20¢ = 3 Tinh sin o, coso.

Bai 5. Tinh sin(a + b),cos(a + b),sin (a — b),cos (a — b), tan(a + b), tan(a — b), sin 2a,sin 2b, tan 2a, tan 2b

, 0 1 1
biet 0 <a,b<—,sina=——,cosb=——.
2 3 13

Bai 6. Cho goc bat ki ¢ . Chirng minh cac déng thirc sau

a) (sinoz+coso:)2 =1+sin2a, b) cos’ o —sin a =cos2a, c)sin4u+cos40c+%sin22oc:1.
. . /4 . 6 6 5 3
d) sina —~/3 cosa =2sin a—g e) sin” o+ cos u:§+§cos4oc

sin (x + 20247r) + sin 3z + sin 5z

Bai 7. Rut gon biéu thuc: A = ( Véi didu kién biéu thiic c¢6 nghia )

97
sin ?—Fx + cos 3z + cos bz

Bai 8. Ching minh ring (cos 2x—sin 2x)2 +2(sin3x—sinx)cosx—1=0 voi Vx e R.

2cos’ 2x—1
2sin 2x.cos2x
Bai 10.Tim tdp gia tri cua cac ham so

Bai 9. Ching minh déng thirc sau: —cos8x.cot4x =sin8x ( Vi diéu kién biéu thic co nghia )

a) y=sin*x—-cos* x+3cos2x—-2 b) y=sin* x+cos*x b) y =sinx+cosx
Bai 11.Cho goc bat ki a,b,c. Chig minh ring
a) sin(a+b)sin(a—b)+sin(b+c)sin(b—c)+sin(c+a)sin(c—a) =0
a+b . b+c . c+a

b) sina+sinb+sinc—sin(a+b+c)=4sin 5 sin 5 sin 5
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Bai 12.Tim tép xac dinh cta cac ham so

Q) y—ﬂ b) y—& c¢) y=tanx+cotx, d) y= cotx
cosx—1’ Jsinx+1’ ’ sinx—1"

Bai 13.Xét tinh chan, 1é ctia cdc ham s sau
a) y=sinx, b) y=x"cos5x, ¢) y=tan(3x+7x), d) y = cot(%x—nj.
Bai 14.Cho biét cac ham s6 sau 1am ham sb tudn hoan. Tim chu ky cuia cac ham sb
a) y=sinx, b) y=cos5x, ¢) y= tan(%x+ 2), d)y= cot%.

Bai 15.Giai cac phuong trinh

a) sin[2x+§j=%, b) \/Ecos(3x—%j+l=0, c) tan(Zx—%Jz%, d) cot(3x—600)=—\/§.

Bai 16.Giai cac phuong trinh
a) sin(Zx +%} =sin (x—%), b)cos’ (3x+%) +sin’ (2x —%j =1. ¢)tan3x =tan x.

3
u =—
Bai 17.Cho day s6 (u,) xac dinh boi cong thirc : 2u +3
urHl =
u, +4
a) Tinh u,,u,. b) Xét diy sb (v,) xéc dinh boi: v, = 2y _:13 . Chitng minh ring (vn) 14 cap s6 nhan.
u, +
- ~ A o n—1 * , . NPT S Ve s
Bai 18.Cho day so (u ) voi v = (n eN ) Chirng minh (u ) la day so tang va bi chan .
n n 2n —l_ 1 n
Bai 19.Cho cép s6 cong (u,) v6i |3 =
) P 50 6088 1y =—171"
a) Tim d va u,. b) Tim u,,.
¢)-16123 la s hang thir bao nhiéu. d) —35 co thudc cap s cong trén hay khong
. . u, +us; =51
Bai 20.Cho cép so nhan co .
u, +u, =102
a) Tim s6 hang dau tién va cong boi b) Tinh tong cua 10 sé hang dau tién.

¢) Tong ctia bao nhiéu s hang dau s& bang 765. d) S6 12288 1a s6 hang thir may?

Bai 21.Tim cac s6 duong a va b sao cho a,a+2b,2a+b lap thanh mt cip s6 cong va (b+1)%;ab+5;(a +1)* lap
thanh 1 c4p s6 nhan

Bai 22.Trén mot ban co c6 nhiéu 6 vudng. Ngudi ta dat 5 hat dé vao 6 vudng dau tién, sau d6 dit tiép vao 6 thi hai
s6 hat dé nhiéu hon 6 dau tién 1a 3, tiép tuc dat vao 6 thir ba s6 hat dé nhiéu hon 6 thir hai 1a 3 ,...va cr thé
tiép tuc dén 6 cudi cung. Biét rang dat hét s6 6 trén ban cd nguoi ta da sir dung hét 3925 hat dé. Hoi ban co
c6 bao nhiéu 6?

Bai 23.Cho ba sb ﬁ, %, ﬁ (b=0, b=a, b=c) tao thanh cép ) cong. Chung minh a, b, ¢ tao thanh cép sb

nhan.
Bai 24.Cho 3 sb a, b, ¢ theo tht tu d6 tao thanh cép s6 nhan véi cong boi khac 1. Biét cling theo thir tw d6 ching
A \ A , £ , \ .y , e K £ A e A . 1a p a
lan luot 1a s06 hang thir nhat, thtr tu va tha tdm ctiia mot cap so cong voi cong saila d = 0. Tinh E

Hét — Pé cwong Toan 11 —Giira Hoc ki I niim hoc 2023 — 2024
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