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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Page: CLB GIAO VIEN TRE TP HUE o > 2 N o’
e = Chuyén de: KHHAQ SAT HAM SO
\A ' Chit d¢ 7: TIEP TUYEN - SU TIEP XUC

Moén: TOAN 12 _GIAI TICH

I- LY THUYET

Chohamsd y = f z , c6 dd thi (C). yA ©)
1. Tiép tuyén cua do thi (C) tai diém M z;y, € (C):
Mo
y_y():f/ :U() x_'r() (*) /\
Luu y: +Piém M z;y, € (C) duocgoila tiép diéin. 5 >

+ Duong thing bit ki di qua M, z;y, cohés6gock,

cé phuong trinh:|  y—y, =k v—1x,

+ Nhu vay, hé s6 goc ctia tiép tuyén cua (C) tai M, z;y, < (C)

c6hé s8 goc k = f/ z, .Hay hoanh d¢ tiép diém la nghiém cua phuwong trinh: £ = f/ r .Rdrang,

ti€p tuyén cua (C) hoan toan xdc dinh néu biét hé s6'géc cha tiép tuyén hodc hoanh dj tiép diém.

Nhdc: Chohai dudngthang A :y=ka+m va A :y=kz+m,.
Luc dé: A A, &k =k vam =m, A LA &kk=-1

2. Diéu kién tiép xtic: Chohaihimss y=f z , (C)vay=g z , (C).

(C) va (C) ti€p xtic nhau khi chi khi hé phuong trinh

Dic biét: Duong thang y = kz + mla tiép tuyén véi (C) : y = f x khi chi khi hé sau ¢6 nghiém:

flz)=kx+m
(@) =k

1I- MOT SO DANG TOAN THUONG GAP

Dang 1: VIET PHUONG TRINH TIEP TUYEN TAI TIEP DIEM

Caul: (SO GD&DPT NINH BINH LAN 01 NAM 2018-2019) Goi d 1a tiép tuyén tai diém cyc dai cta
d6 thi ham s6 y = x°* —3x—2. Khang dinh nao sau day dtng?

A. d c6hésb gdc am. B. d c6 hé s6 goc duong.
C. d song song véi duong thang y =—4. D. d song song véi truc OX.
Loi gidi:

Ta c6 d6 thi ham s6 y = X’ —3X—2 nhan diém A(-10) lam diém cuc dai. Ma y'(-1)=0.
Suy ra phuong trinh dwong thang d: y=0. Do d6 d song song véi duwong thang y =—4.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

(THPT Tay Thuy Anh - Thai Binh - Lan 2 - 2018 - BTN) Tiép tuyén tai diém cyc tiéu cua do

thi ham s& y:%x3—2x2+3x—5

A. C6 hé s6 goc duong. B. Song song vdi truc hoanh.
C. Co hé s6 goc bé”mg -1. D. Song song véi duong théng x=1.
Loi giai:
x=1
Tacod Yy =x"-4x+3, y=0< { . Diém cyec tiéu cua d6 thi ham s 1a A(3;-5).

Suy ra ti€p tuyén ctia d6 thi ham s6 tai di€m cuec tiéu c6 phuong trinh la y = -5.
(CHUYEN NGUYEN TRAI HAI DUONG NAM 2018-2019 LAN 01) Hé s6 géc ctia tiép tuyén
tai A(1;0) ctia d6 thihams8y =x*-3x*+2 la
Al B. -1. C. 3. D. 0.
Loi giai:
Pat f(x)=x"-3x*+2.Taco f'(x)=3x*-6x.
Heé s8 goc ctia tidp tuyén tai A(1;0) ctia @6 thi ham s8 da cho la: f'(1)=3.1"-6.1=-3.
(CUM 8 TRUONG CHUYEN LAN 1) Cho ham s8 Y = X* —2X+1 c6 db thi (C). Tinh hé & géc
k ctia tiép tuyén véi (C) tai diém c6 hoanh do bang 1.
A. k=25. B. k =-5. C. k=10. D. k=1.
Loi giai:
Tacéd:y =3x*—2. Hé s6 goc ctia tiép tuyén tai diém c6 hoanh d6 béng 1 1a k =y'(1)=1.
(CHUYEN LE HONG PHONG NAM DINH NAM 2018-2019) Cho ham s6 Y = x* -1 ¢6 db thi
la (C) . Tiép tuyén ctia d6 thi (C) tai di€m véi hoanh dd bang 0 c6 hé s8 goc la
A. 0. B. -1. C. 4. D. 1.
Loi gidi:
+)Tacd y=x' 1=y =4x°
+) Tiép tuyén ctia d6 thi (C) tai diém véi hoanh dd bing 0 c6 hé s8 gbc la k = y'(0) = 0
(CHUYEN QUOC HOC HUE NAM 2018-2019 LAN 1) Tim hé s8 goc cua ti€p tuyén ctia db thi

hams@ y = Xtai diém c6 tung do y:—g.
A2 B. -2, .2 D. -10.
5 9 9
Loi gidi:
y:—Z:> 3= 4 :—Z<:> X=-1.Tacéd: y' = 5. Vay hé s0 goc can tim la y’(—l):E.
3 x-2 3 (x-2) 9

(TRUONG THPT NGUYEN DPUC CANH LAN 03) Cho ham s8 y=~/x>—2x+4 c6 db thi
(C). Phuong trinh tiép tuyén ctia (C) tai diém c6 hoanh d6 x =0 la
1

A.y=4x+3. B.y=%x+2. C.y:—%x+2. D.yz—Ex—Z.

Loi giai:
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 8:

Cau 9:

Cau 10:

Cau 11:

x-1

—;y'o
VXF—2X+4 (©)

Suy ra phuong trinh ti€p tuyén tai di€ém c6é hoanh d6 x=0 1a

Tacod y' = :—%;y(O):Z.
, 1
y:y(OXX—0)+2c>y=—§x+2.
(CHUYEN QUOC HOC HUE LAN 3 2018-2019) Viét phuong trinh tiép tuyén ctia 6 thi ham

0 y= tai diém M (1,0).
SO Y 12 a1 diem ( )

1 1 1 1 1
Al y==-x-=. B. y==x+1. C.y=x-1. D.y=—x—-=.

Y 3 3 y 3 y Y 9 9

Loi giai:
TXD: D =R\{-2}.Tacé f’(1)=%.

S 1 N A s s g N 1 1 1
Phuong trinh ti€p tuyén cua do thi tai diém M (10) la: yzg(x—1)+0<:>y=§x—§.

Cho ham so

y= % X° +x* —2x+1 c6 do thila (C). Phuong trinh tiép tuyén cta (C) tai di€ém M (1; %j la

A.y=3x-2. B. y=-3x+2. C.y:x—g. D.y=—x+§

Loi giai:
Tacé: y' =x*+2x-2; y'(1)=1.

ST g N g 1), , 1 1 2
Phuong trinh tiép tuyén cta (C) tai diém M (1; gj la: y=y (1)(X—1)+§ = X—1+§ =X -3
(THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham s8 y = x* +3x ¢6 d6
thi (C).Hé sd gbc k ctia tiép tuyén véi d6 thi (C)tai diém c6 tung do bang 4 la
A. k=0. B. k=-2. C. k=6. D. k=09
Loi gidai:
Ta c6 hoanh d9¢ ti€p diém cua ti€p tuyén la nghiém ctia phwong trinh X +3x=4<x=1
Tacé y'=3x*+3= Hé s8 goc ctia tiép tuyénla k = y'(1) =6.
2x—-4
x-3

(THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 01) Cho db thi (H):y=

Viét phuong trinh tiép tuyén cua do thi (H) tai giao di€ém ctia (H) va Ox.

A. y=2x B. y=-2x+4. C. y=-2x-4. D. y=2x-4.

Loi gidi:

y= 2X_34:> y=0< x=2= M(2;0) nén giao diém cta (H) va Ox la M (2;0).
X_

y' = ~ VX # 3 nén hé s§ goc tiép tuyén la y'(2)=2.

(x-3)
Vay phuong trinh tiép tuyén ctia o thi (H) tai giao diém caa (H) va Ox la
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 12:

Cau 13:

Cau 14:

Cau 15:

y=2(x-2)+0=2x—4.
(THPT NGUYEN HUE - HA NOI 18-19) Cho ham s8 y=x'—x—-1 c6 d6 thi (C). Phuong
trinh tiép tuyén ctia (C) tai giao diém ctia (C) véi truc tung la
A. y=2x-1. B. y=-—x-1. C.y=2x+2. D. y=—x+1.
Loi giai:
Goi M 1a giao diém ctia (C) va truc tung. Khi d6 M (0;-1).
Ta cé Yy’ =3x* —1. Phuong trinh tiép tuyén cta (C) tai M la
y=Y (% )-(x=%y )+ Yy =Y¥'(0).(x-0)-1=—x-1.
(THPT HUNG VUONG BINH PHUOC NAM 2018-2019 LAN 01) Phuong trinh tiép tuyén
ctia duodng cong Y = x° +3x* — 2 tai diém c6 hoanh do x, =1 1a
A y=9x+7. B. y=-9x-7. C.y=-9x+7. D. y=9x-7.
Loi giai:
XéthamsG y=f(X)=x*+3x* —2= f(x) =3x*+6x= f'(1) =9.
Tacod x, =1=y,=2=M,(L2).
Phuong trinh ti€p tuyén tai di€ém M, (1; 2) c6 dang:
Y=Yo=f'(%)(X=% ) y-2=9(x-1)< y=9x-7.

(THPT YEN PHONG 1 BAC NINH NAM HOQC 2018-2019 LAN 2) Tiép tuyén v6i do thi ham

; 1 . A2 «A? B AN .0 AN . 2 7 Y A2 / A \ .
sO y= _Z X* +2x% +3 tai diém cuc tiéu ctia d0 thi cit d6 thi & A, B khéc tiep diém. Tinh do dai

doan théng AB.

A 2. B. 2. C. 242, D. 4/2.

Loi gidi:

Ta co: Y =X +4x; y’=0©{xzo .
X=%2

BBT:

Tt BBT suy ra diém cuc ti€u cia d6 thi ham sd'1a M (0;3).
Tiép tuyén ctia d6 thi tai diém cuc tidu la dwong thang y =3.
Phuong trinh hoanh d¢ giao diém ctia d6 thi va tiép tuyén la:
PV I UG S U I DI Lo N A(-22;3);B(24/2;3) = AB=442.
4 4 X =422
(CHUYEN LE THANH TONG NAM 2018-2019 LAN 01) Tim m dé moi tiép tuyén ctia db thi
ham s§ y = x> —mx?® +(2m —3)x —1 déu c6 hé s8 géc duong.
A.m=0. B. m>1. C.m=1. D.med.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 16:

Cau 17:

Cau 18:

Loi giai:
Heé s8 goc tiép tuyén ctia 6 thi ham s6 y = x°* —mx? +(2m—3)x -1 lay'=3x* - 2mx + 2m -3
Vi hé s6 géc duong véi moi X nén ta co

, 2 a:3>0 2 2
y' =3x*-2mx+2m-3>0< A &m -m+9<0< (M-3) <0=>med.

<0

Choham sd y = 2x +11 c6 d6 thi (C) Tiép tuyén véi do thi (C) tai M (2; 5) cat hai duong tiem
X J—

cantai E va F. Khi d6 do dai EF béng
A. 10, B. 24/10 . C. V13. D. 2.13.
Loi giai:
Tiém can ding cua do thi (C) la: x=1.
Tiém can ngang ctia d6 thi (C) la: y=1.
-3
(x-1F

Tacd Y =

Tié€p tuyén voi (C) tai M (2;5) la: y= y’(2)(x—2)+5 Sy=

Xx—2)+5 < y=-3x+11.
(2_1)2( ) y

Goi E la giao diém cua ti€p tuyén vdi tiém can dung suy ra E(1;8).

Goi F la giao di€m ctia ti€p tuyén vdi tiém can ngang suy ra F(3;2).

Vay EF =(3-1) +(2-8)° =40 =210 .

(THPT QUANG TRUNG DONG DA HA NOI NAM 2018-2019) Cho ham s8 Y = 4X +2c0s 2X

c6 do thi la (C). Hoanh dd cta cac diém trén (C) ma tai do tiép tuyén cta (C) song song

hoac trung voi truc hoanh Ia
A.X:%+k7z(k eZ). B. X:%+k7r(k €Z). C. x=n+kz(keZ). D. x=k2z(keZ).
Loi gidi:
Tacd y'=4—-4sin2x.
Khi d6, hoanh dd cua cdc di€m trén (C) ma tai d6 tiép tuyén ctia (C) song song hodc tring
vodi truc hoanh la nghiém ctia phuong trinh:
Y =0 4-4sin2x=0 < sin2x=1< 2x:%+k27z<:> x=%+k7z(k eZ).
(THPT Lwong Thé Vinh Pong Nai lan 2 — 2019) Puong thang nao sau day la tiép tuyén caa
d6 thiham s8 y = x* —=3x+2?
A. y=9x-12. B. y=9x-14. C. y=9x-13. D. y=9x-11.
Loi giai:
y=x-3x+2=y =3x*-3.
Goi d 1a tiép tuyén cta do thi ham s6 tai di€ém M (X,; Y, ) .
X,=—2=>Y,=0=d,:y=9x+18

Hé s8 g6c tiép tuyén bang 9= f'(x,)=3x>-3=9 = .
20 BOCHEP THyen bang (%) =3% [x0:23y0=4:>d2:y:9x—14
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Vay duong thang y = 9x—14 1a tiép tuyén ctia d6 thi ham s6 y = x* —3x+2.

c6 bao nhiéu diém

(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Trén d thi (C):y = —

X—2
M ma tiép tuyén véi (C) tai M song song véi duong thang d 1 x—y =1
A 4. B. 1. C. 2. D. 0.
Loi giai:
e T & x—1 , -1
Xéthamsg (C):y=——. TXD: D=R\{2}, y'= ~<0.
x—2 (x—-2)
D& tiép tuyén véi (C) tai M song song voi duong thang d @y =x-1 suy ra
-1

y:

> =1(VN). Vay khong c6 tiép tuyén thoa man.

(x-2)
(THPT NAM 2018-2019 LAN 04) Tim dim M 6 hoanh d6 am trén do thi

(C):y= % x® —x +§ sao cho tiép tuyén tai M vudng goc véi duwong thang y = —% X +§.

A M(<2; —4). B.M[_l;gj. c.m(z;gj. D. M(-2;0).
Loi giai:

Giastt M [a;%as—a+§j ,(a<0); y=x*-1 = y'(a)=a’-1

x o A g s 2 1 2 .
Tiép tuyén tai M vudng goc voi duong thang y = -3 X+ 3 nén ta co:

a=2

a=-2

Vi M c6 hoanh d6 am nén ta chon a=-2.Suyra M (—2;0) .

(THPT MAI ANH TUAN-THANH HOA-2019) Cho ham s§ y=-x*+3x2+9x~1 c6 do thi
(C) . Hé s0 goc 16n nhat cta tiép tuyén voi do thi (C) la

Al B. 6. C.12. D. 9.

Loi giai:

Tacd y'=-3x>+6Xx+9; y'= —3(x—1)2 +12<12

y'(a)=3=>a*-1=3 c{

Vay hé s8 goc 16n nhat cta tiép tuyén voéi do thi (C) 1a 12.
3
Cho ham s6 y = —2% +X* +4x—2, goi d thi cua ham s& 1a (C). Viét phuong trinh tiép tuyén

ctia (C) cd hé s6 goc 16n nhat.

A. y:gx—é. B. y:5x—§. C. y:gx—é. D. y:Zx+i.
2 12 12 4 12 2 12
Loi giai:
Goi (d) 1a tiép tuyén can tim phuong trinh va X, 1a hoanh d¢ ti€p diém cta (d) véi (C) thi
9 1Y 9., 9 1
hé sd gécctia (d):k=y'(X,) =—2X +2X, +4=——| X, —= | <=; k==X, ==
> SO goc cu ( ) y'(%) Xo 0 5 (o 2) 5 2 075
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Vay maxk :g dat dwoc khi va chi khi x; = %

NP o 9 1 1) 9 25
Suy ra phuong trinh tiép tuyén (d):y = E(X—EjJr y(Ej =3 X—E .
Cau 23: (THPT Lwong Thé Vinh - Ha Ni - Lan 1 - 2017 - 2018) Cho ham s8 y = x> —3x* +6x+5. Tiép
tuyén cua d6 thi ham sd cd hé sd goc nho nhat ¢6 phuong trinh la
A. y=3x+9. B. y=3x+3. C. y=3x+12. D. y=3x+6.
Loi giai:
Tac6: Y’ =3x* —6x+6 =3(x-1)" +3>3. Ddu "=" xdy rakhi x=1=y=9.
Do d9, tiép tuyén ctia d6 thi cé hé s§ goc nho nhat bang 3 va la tiép tuyén tai diém M (19).
Phuong trinh tiép tuyén la: y =3(x-1)+9 < y=3x+6.
Cau 24: (THPT Chuyén Hung Vwong - Phtt Tho - Lan 1 - 2018) Tiép tuyén cta dd thi ham s&

X . e A ~ \ N ey e s N
= cung voi 2 tiém can tao thanh mot tam gidc c6 dién tich bang:

C2x+1
A. 6. B. 7. C. 5. D. 4.
Loi giai:
Ta co: y'=L2.
(2x+1)

. \ «A? M A AN . \ ~ 1
Goi M (XO; yo) la diém nam trén do6 thi ham s6 , X, # 3

Phuong trinh tiép tuyén tai M :y = f'(x)) (X=X, )+ Y, = y=—"——
(2%, +1)

Tiém can ding: x= —%, tiém can ngang: y =2

Goi A la giao diém cua ti€p tuyén vdi tiém can dung

1 10 1 4%, -3 4x,-8 _ . 1 4x,-8
DX == Y= 7| 5% |t = Vay Al -2
2 (2% +1)°\ 2 2%, +1 2%, +1 2" 2%, +1

Goi B 1a giao diém cua ti€p tuyén véi tiém can

10y x)s Po=3
(2x0+1)2 2% 2%, +1

Giao diém 2 tiém can 1a | (—%;2)

ngang= Y, =2 =2=

= Xg :2x0+%.vay B(4X°2+1;2J

Ta c6: 1A=| 0;— 10 ) ja-| 20 ; 1B=(2% +10)= 1B =|2x,+1
2%, +1 2%, +1
1 1| 10
Tam ¢giac IAB vuongtai | nén S,,, ==IAIB== d2x, +1=5.
g v g 12 e =5 2|2%, +1 | 0 ]'I

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 7



Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 25:

Cau 26:

, ¢6 do thi (C)

, , 9 =" , 2X
(SO GD&DT QUANG NINH NAM 2018-2019 LAN 01) Cho ham s6 y = >
X+

va diém M (X,;Y,) € (C) (vdi X, #0). Biét rang khoang cach tir 1(—2;2) dén tiép tuyén cta (C)

tai M la 16n nhat, ménh dé nao sau day dang?

A. 2%, +Y,=0. B. 2X,+ Y, =—4. C. 2%, +Y,=2. D. 2%, +Y, =-2.
Loi giai:
Tap xac dinh D:]R\{—Z}. y’:L M (X ﬂ)

5 . (X+2)2, 0,X0+2

2X
X— X, )+ —2 4x— (X +2)’y+2x> =0
(Xo+2)2( o) Xo+2<:> (X +2)7y+2X%,

[4(-2)- (% +2)*2+2x]|  |-8x,-1§]
\/42 +(X,+2)* \/42 +(X,+2)*
|-8x, —16| . 8%, +2| 23
&+ (% +2)" 8% +2)?
X, =0

Phuong trinh tiép tuyén taiM 1a y =

Khoang cach tir I dén tiép tuyénla d =

Ap dung bt déng thiic cosi ta c6

D&u bang xay ra khi (X, +2)° =4 < 4.V‘1 X, 20 nén X, =—4 =y, =4 = 2%, +Y,=—4.

(THPT Luong Thé Vinh - Ha Néi - Lin 1 - 2018) Cho ham s8 y = 2)(—_13 .Goi | 1 giao diém
X_

cua hai tiém can cua d6 thi ham s6. Khoang cach tir | dén ti€p tuyén ctia d6 thi ham s da cho
dat gid tri 1én nhat bang

Ad=t. B.d=1. C.d=v2. D.d=+5.
J2
Loi gidi:
A . 31
Toa do giao diem I:[—;—).
2 2

e X —1 1 N x e AA A A
Goi toa do tiép diém la (Xo;ﬁj . Khi d6 phuong trinh tiép tuyén A véi do thi ham so tai

XO
diém xo;—x0 -1 la:
2%, +3

1 X, —1 2 2
=——(X— 2%, —3) y-2 4x,—3=0.
y (2x0—3)2(x x0)+2XO_3<:>x+( X, —3)"y—2X; +4X,
3 1 2 2
o §+E(2X0_3) —2%5 +4x%, -3 2%, +3 2%, -3 1
Khi d6: d(1,A)= = < - T
1+(2%, —3)° J+(2%-3)  (2(2%-3) V2
~ . . 2 _2X0_3:1 Xp =2
Dau "=" xay ra khi va chi khi (2x,-3) =1< = .
| 2%, —3=-1 X, =1
1
Vay maxd(l,A)=—.
ay (1.4) NG
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 27:

Cau 28:

[THPT TRAN QUOC TUAN - Lin 1- 2018] Cho ham s§ y = x* =3x+2 ¢6 d6 thi (C). Puong
thang d:y=x+2 cit do thi (C) tai badiém A, B, C(0;2). Goi k;,k, Ian lwot 1a hé s§ géc cua
tiép tuyén cua (C) tai A va B.Tinh ki k,.

A.9. B. -27. C. -81. D. 81.

Loi giai:

Tacéd: y=3x*-3

Xét phuong trinh hoanh d6 giao diém cta duong thang d va do thi (C) la:

x=0

X=12

Vay duong thang d cdt d6 thi (C) tai ba diém phan biét: A(-2;2), B(2;4) va C(0;2).
Goi k;, k, Ian lwot 1a hé sO géc cua tiép tuyén cua (C) tai A va B, taco:

k =y (-2)=9, k, = y'(2)=9. Vay kk, =81.

X} —3X+2=x+2< x3—4x:0<:{

(SGD Ba Ria - Viing Tau - Lan 1- 2018 ) Choham s6 y = 2X ; 6 do thi (C). Goi M (X,;Y,)

(véi X, > 1) la diém thudc (C), biét tiép tuyén cua (C) tai M cat tiém can ding va tiém can
ngang lan luot tai A va B sao cho S,,; =85S, (trong d6 O 1a gbc toa do, | 1a giao diém hai
tiém can). Tinh gid tri cia S = X, + 4Y,.

17 23

A.S =8. B.S==—. C.S=—. D.S =2.
4 4

Loi giai:

by

4 M
1 :
T oL

O \1 ;

Ta c6 y'=_—22,TCD: x=1(d,), TCN: y=1(d,), 1(3;1).

(2x—2)

Phuong trinh tiép tuyén A tai difm M (X,;Y,) cd dang y=——— (X=X, )+
g p tuy (%0: ¥o) Y (2Xo_2)2( X, ) 2
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 29:

Cau 30:

A=And, = Al % ,B:Ade:B(Zxo—l;l).@:(ZXO—Z;O),VAF 0; ! .
X, —1 X, —1

1
X, —1

S0 = 8.0 @%.1.IB :8.%.1.IA < IB=8IA < |2x,-2|=8

‘<:>(x0—1)2=4<:>x0=3

(do X, >1)= yO:%: S =X, +4y0=3+4,%:8,

(THI THU THPTQG VTV7 NAM 2018-2019) D6 thi ham s8 y = c6 bao nhiéu cip tiép

X+2
tuyén vudng goc véi nhau?

A. 1l B. V0 sé. C.0. D. 2.
Loi giai:
TXD: D =R\{-2}. Ta co: y:ZX_1:> y' = > =

X+2 (x+2)

Tiép tuyén (d,) ctia d6 thi ham sd tai M (x;;y;) codang: y=y'(x)(X=X)+Y;.
Tiép tuyén (d,) cua d6 thi ham s6 tai N(X,;y,) codang: y=y'(X,)(X=X,)+Y,.
5 5

2 2
(x%+2)" (x,+2)
Vay khong co cdp tiép tuyén nao cua d6 thi vudng goc véi nhau.

(CUM LIEN TRUONG HAI PHONG NAM 20182019 LAN 01) Cho ham s&

y= f(X)z z:g,(a,b,c,d eR;c#0,d ;tO) cd d6 thi (C) D6 thi cia ham s6 y = f'(X) nhw

=1 (% +2)".(x,+2)" =-25 (vd ly).

d, Ld, o y(x)Yy(x)=-1

hinh vé dudi day. Biét (C) cét truc tung tai diém c6 tung d6 bang —2. Viét phuong trinh tiép

tuyén ctia (C) tai giao diém cuaa (C) véi

truc hoanh.
A. x-3y+2=0. B. x+3y-2=0. C. x+3y+2=0. D. x-3y-2=0.
Loi giai:

D6 thi ham s6 y = f (x) di qua (0;-2) suyra b=-2d .
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 31:

Cau 32:

Tacd y'= (ad _;,():2 . D6 thi ham s6 y' ¢6 tiém can ding x=-1nén c=d, di qua (0;3) nén
CX+
3=ad—_2bC hay a=d. Do d6 y:X;2:> y' = 3 5
d X+1 (x+1)

Phuong trinh ti€p tuyén tai (2;0) la y= %(X— 2) <= 3x-y—-2=0.
(THPT Can Léc - Ha Tinh - Lan 1 - 2017 - 2018) Cho ham s6 y = f (X) xac dinh va c6 dao ham
trén R thoa man [ f(2x+1)] +[ f (1-x)] = x. Viét phuong trinh tiép tuyén ctia db thi ham

s8 y = f(x) tai di€m cé hoanh do bang 1.

1.6 1 8 1 5 1 6
A y=Sx——. B.y=—Zx+—. Ly=Sx-—. D.y=-SX+-.
=777 =7 =747 =7t
Loi giai
\ 2 3 , 2 3 f(l):O
Tir [ f(2x+1) | +[ f(1-x)] =x (*),cho x=0tacs [ f (1) +[ (1) ] =0 = f(1)=-1

Dao ham hai v& cua (*) ta duoc 4.f (2x+1).f'(2x+1)-3[ f (1-x)] .f'(1-x)=1.
Cho x=0 taduoc 4f (1).f'(1)-3.[ f (1)] .f'(1) =1 f(1).f'(2).[4-3F (1)]=1 (™).
Néu f(1)=0 thi (*) vo1ly, do dé f(1)=-1,khidd (**) trd thanh

1) 4+3)=10 1 (1)=-3
8

Phuong trinh tiép tuyén y:—%(x—1)+1 2= y:—%x+?.

(THPT Chuyén Ha Tinh - Lan 1 - 2018 - BTN) Cho ham s8 y = f (X) c6 dao ham lién tuc trén
R, théa man 2f (2X)+ f (1—2X) =12x’. Phurong trinh tiép tuyén ctia d6 thi ham s8 y = f (X)

tai diém c6 hoanh d6 b:;“mg 11a:
A.y=2x+2 B. y=4x-6 C.y=2x-6 D. y=4x-2

2 (0)+ £ (1)

1
T 2f (2x)+ f (1-2%x)=12%* (*), cho x=0 va x== tad
w 2f (2x)+ f (1-2x)=12x* (*), cho x=0 va x 5 ta uoc{f(o)+2f(1)

=0
= f(1)=2
=10
Lay dao ham hai v€ ctia (*) ta duoc 4f'(2X)—2f’(1—2X):24X, cho x=0 va X:% ta duoc
4f'(0)-2f'(1)=0
4f’(1)—2f’(0):12

Phuong trinh ti€p tuyén ctia d6 thi ham s6 y = f (X) tai diém x=1la
y=f'(1)(x-1)+f(1) o y=4(x-1)+2 < y=4x-2.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 33: (HSG BAC NINH NAM 2018-2019) Cé bao nhiéu gia tri cua tham s6 thyc m dé€ d6 thi ham s6

X2_2mX+m g . . o« A? A N \ , « A7 A 2 A . . . «A?
=——— cat truc OX tai hai diém phan biét va céc ti€p tuyén cua do thi tai hai diém
X+m
do6 vudng goéc véi nhau.
A. 5. B. 2. C.0. D. 1.
Loi giai:
X2 —2mx+m 3m? +m , 3m® +m
=————=x-3m+ >y =1l-—7.
X+m X+m (x + m)

Xét phuong trinh hoanh d¢ giao diém ctia d6 thi ham s6 da cho véi truc Ox.
X —2mx+m
X+m
D& d6 thi ham s8 da cho cat truc Ox tai hai diém phan biét va cac tiép tuyén tai hai diém d6

vuong goc voi nhau thi phuong trinh (*) phai c6 hai nghiém phan biét X;; X, khac —-m va

y'(%)-y'(%)=-1.

=0 f(x)=x*-2mx+m=0 (*) (x=-m).

[m>1
m<0
A=m’-m>0 m=0

< f(-m)=3m’+m=0 o 1< m=5.
m#—=
2 2 3
y’(xi).y’(x2)= 1- 3m +m2 1- 3m +m2 _ 1 -0
(X, +m) (x,+m) {m:S

Cau34: (TOAN HOC TUOI TRE - LAN 5 - 2019) Cho ham s8 bac bén y = f (x) xéc dinh va lién tuc
trén R, ham s6 g(X)=2x" -3 va duong thang d c6 d6 thi nhu hinh vé. Biét A la diém chung

cua d6 thi f(x) va g(x), x, =1.Diém B thudc do thi g(X), X, :—% va d la tiép tuyén cua

v

d6 thi ham sé y = f(X).Gia’ tri f'(XA) b.%mg

glx) Jx)

A. -1. B. ——. C. —. D. 2.

Loi gidi:
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 35:

Cau 36:

Vi cac diém A,B thudc d6 thi ham s6 ¢g(x) nén ta cb A(l;—l), B(—%;%j

— 13 65 . . g \ A . f T
= AB = —Z;g . Do d di qua hai difm A va B nén ta chon vecto phap tuyén la
n, =(65;26).

Phuong trinh duong thing d 1a: 65(x—1)+26(y+1)=0<> 65x+26y-39=0< y = —ngt§

2
Ma d 12 tiép tuyén ctia d6 thi ham s6 y = f (x) nén f’(xA):—g.
(PE HOC SINH GIOI TINH BAC NINH NAM 2018-2019) Cho ham
s8y =% —(M+1)x* +x+2m+1 c6 do thi (C) (m la tham s& thuc). Goi m;,m, 1a cac gia tri cua
m d€ duong thing d:y=x+m+1 cit (C) tai ba diém phan biét A,B,C sao cho tong hé s&
goc cta cac tiép tuyén véi (C) tai A B,C bang 19. Khi d6 m, +m, bang
A. 4. B. 2. C.0. D. 2.
Loi giai:
Phuong trinh hoanh d¢ giao diém cua d va (C):

) ) x=1

y=x"—(Mm+1x2+x+m=0e (x-1)x —mx—m):0<:{x2 - m=0()
D¢ d va (C) cit nhau tai ba diém phan biét thi (*) phai c6 hai nghiém phan biét khac 1, tite

1-2m=0 2

AL m+2),B(x; X, + Mm+1),C(X,; X, + M+1) v6i X;;X,1a nghiém ctia phuong trinh (*)

Heé s6 gbc tiép tuyén cua (C) tai Ala: y'(1)=2-2m. Hé s8 goc tiép tuyén ctia (C) tai B la:
y'(x,)=3x" —2(m+1)x, +1.

Haé s8 goc tiép tuyén cua (C) tai Cla: y'(x,)=3x," —2(m+1)x, +1.

Theo gia thiét, ta cd: 3 X°+X,° —2 m+1 x +Xx, +4—2m=19.

A>0 1 1 : . . . .
o me(-w—4)ul 0= U E;+oo .Khi @6 d va (C) citnhau tai ba diém phan biét

B3 X 4%, —6XX,—2 M+l X +X, +4—2m=19 **

X, +X, =M . ,
thay vao (**), ta dwoc 3m? +6m—2 m+1 m-+4—-2m=19.
X, X, =—M
) m, =3
& m +2m-15=0« =m +m,=-2
m, =—5

4 2 A . . \ 2 4 \ . s A7 . A A ? N .
Cho ham s6 y = XLl d6 thi (C) Goi d la khoang cach tir giao di€m hai tiém can ctaa do thi
X+

(C) dén mot tiép tuyén cta (C). Gid tri 16n nhat cua d 6 thé dat dwoc la

A. 33, B. /3. C. V2. D. 2J2.

Loi giai:

Tiém can dung d,: x+1=0, tiém can ngangd,: y—-1=0 = tam ddi xtéing la | (—1;1) )
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Phurong trinh tiép tuyén tai diém M (a; Z:ije(c) la: y = (alll)z (x—a)+%i (d).

2

-1 (—1—a) a+2

(a+1) a+1

Khi d6 d(1,d)= - laxll 2 <2 _4

1 Y T T
(a+1)4 ! \/(a+1)4 : \/( 1) (a+1)2

Cau37: (TOAN HOC TUOI TRE NAM 2018 - 2019 LAN 01) Goi A 13 diém c6 hoanh do6 bing 1 thudc

dothi C ctiahamsd y=x"—2mx*+m(m la tham s6 thuc). Ta luén tim duwoc m= a vOi %

la phan s8 t&i gian d¢ tiép tuyén A véi d6 thi C tai A cat duong tron
y :X*+y*—2y—3=0 tao thanh mét day cung c6 d6 dai nho nhét. Khi d6, tong a + b bing:
A 12 B.3. C. 29. D. 10.

Loi giai:

Puong tron y (X’ + y—1°=4 c6tam | 0;1, R=2.

Tac6 ALl-m ; y'=4x*—4mx=Yy' 1 =4—4m suyra A:y= 4—4m x—1 +1-m.

Dé thay A ludn di qua diém cd dinh F [% ; O] va diém F ndm trong duong tron ¥ .

Giast A cit 7 tai M, N, tacd: MN =2, /RZ—d? I'A =24—d? I:A .

Do d6 MN nhé nhat< d ;A 16nnhdat< d KA =IF=ALIF.

Khi d6 duong thang A c¢6 mot véc-to chi phuong G L IF = [% ; —1]; U= 14—-4m nén:

un=0 < 1.%— 4—4m =0 & ng suyra a=13, b=16.Vay a+b=13+16=29.

Cau 38: (THPT NGO QUYEN HA NOI NAM 2018 - 2019 LAN 01) Cho ham da thttc bac bén
y=Tf(x) co ddthi (C). Ham s§ y = f'(X) c6 &6 thi nhu hinh vé dudi day. Goi duong thang
A 1a tiép tuyén ctia d6 thi (C) tai diém c6 hoanh d¢ bang 1. Héi A va (C) c6 bao nhidu diém
chung?

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 14



Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 39:

A. 2. B. 3. C. 1. D. 4.
Loi giai:

Y

nﬁ\/ﬁ

Ta c6 tiép tuyén A cua (C) tai x=11a y= f'(l)(x—l)—i- f (1)
Duwa vao do thi cia ham sO f’(X),tacé f'(l):O.
Vay A:y=f(1).

Goi a;, a, 1a hai nghiém con lai cta f ’(X) . Dya vao d06 thi ham s6 ta c6 bang bién thién:

H — K 11 l (n +0OC

fix) + 0 B 0 + 0

flay) flas)

f(x) x/l \J l/ \ .

Dua vao bang bién thién tacé A:y = f (1) va (C) cé ba diém chung.

A , o " x+1
(THPT KINH MON II HAI DUONG NAM 2018-2019 LAN 03) Cho ham s& Y :;1 (C).
X —

Diém M thudc (C) c6 hoanh d6 16n honl , tiép tuyén ctia (C) tai M cét hai tiém can caa (C)

lan luot tai A, B. Dién tich nho nhat cua tam giac OAB bgmg

A 4+242. B. 4. C. 42. D. 4++/2.

Loi gidi:

Tap xac dinh: D=R\{1}. Ta cé: y'=—( 2 )
x—1

D6 thi ham s6 c¢6 duong tiém can ngang y =1 va duong tiém can dung X =1.

Vx=1.

27
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 40:

Giasa M(m;y,)e(C) (m>1) =y, = Ejzh m2—1; yr(m)z—(m_l)z.

~(x— m)+1+—z—

Phuong trinh tié€p tuyén A la: y=—
(m —1) m-1

N 2x+(m—1)2 y—m?-2m+1=0.
Goi A la giao diém cuia A va duong tiém can ngang. Toa do diém A la nghiém cua hé
y=1
phuong trinh: § 2 (x- m)+1+i:> Xx=2m-1 = A(Zm -1; 1)
Un_” m-1
Goi B la giao diém ctia A va duong tiém can dung. Toa d¢ diém B la nghiém cua hé phuong
x=1
trinkh: 2 2 —y-MtS_,, 4 :B(l;l+i)

y:_(m_l)Z(X_m)+1+m——1 m-1 m-1 m-1

Suy ra; AB:\/(Z2m)2+(ij2=\/4(m1)2+( 10 =|m2—1| (m-1)"+4.

m-—1 m-1)

‘m —2m+ﬂ 1 1‘ m —2m+ﬂ 2
d(O;A)=——————=7S ==d OA AB——
O oy o2 2 V"

=Lﬂﬁ—2m+q_nﬁ+2m—1

Wim>1y:m+3+—3—=4+m—1+—3—.

m-1 m-1 m-1 m-1
” : 2
Ap dung bat dang thirc Co-si cho hai s6 m-1 va 1 (m_l)+m > 2.2
m_ J—
@4+(m—1)+iz4+2\/§.
m-1
m-1-=—2_
Vay dién tich nho nhat ctia tam giac OAB bang 4422 khi Tm-lem=1+4/2.
m>1
—X+1

(THPT QUYNH LUU- 2018-2019- LAN 1) Cho ham s8 y = (€), y=x+m (d). Véi moi

2x-1
m dwong thang (d) luon cat d6 thi (C) tai hai hai diém phan biét A va B. Goi ki, k2 lan luwot 1a
hé s8 géc ctia cac tiép tuyén véi (C) tai A va B. Gia tri nho nhdt cia T =k®® +k**® bang

Al B. 2. C.l. D.E.
2 3
Loi gidi:
~ 2x* +2mx-m—-1=0
+ Phuong trinh hoanh d¢ giao diém: =X+M< 1 *
2x-1 X # E
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 41:

Cau 42:

Cau 43:

+ Phuong trinh (*) c6: A'=m*+2(m+1) >0, ¥Vm nén (d) ludn cat ( C ) tai 2 diém phan biét A,B.
1 a+b=-m
Goi a, b 1a cdc hoanh d6 giao diém (a #b# Ej . Khi d6 ta co: m+1-
a

2
1 1 2
+Khi do: T =k + k)% = + >
! ? (2a-1)*°  (2b-D* " [(2a-1)(2b -]
2 2

[4ab—2(a+b)+1[™* )

0 [2(m+D+2m

(2a—1)2020 — (2b-1)2020
+ Nhin xét: Gia tri nho nhat bang 2 khi: oo L Sat+b=l=—-mem=-1.
azb#—
2

(SO GD&DPT KIEN GIANG NAM 2018-2019) Cho ham s8 y = x> +3x” +3x+5 ¢4 0 thi (C).
Tim tat ca nhitng gid tri nguyén ctia k €[-2019;2019] dé trén d6 thi (C) c6 it nhat mot diém
ma tiép tuyén tai d6 vudng goc véi duong thang (d):y =(k—3)x.

A. 2021 . B. 2017 . C. 2022 . D. 2016 .

Loi giai:

TXD: D=R .Tacd: y'=3x*+6x+3 .

TH1: k=3 . Khi d6 (d ) :y=0 = khong ton tai tiép tuyén vudng goc voi (d ) .

TH2: k#3 .

Taco: (k—3)(3x§ +6X, +3): ~1 < 3% +6X, +3+ki3=0(*)

Theo yéu cau bai todn , phuong trinh (*) c6 nghiém=A'>0< k__33 >0 k<3

Vay k €{-2019;-2018;...;0;1;2} = C¢ 2022 gi4 tri nguyén cta k thoa dé bai.

(THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Goi M,N 14 hai diém di dong trén
do thi (C) ctia ham s6 y =—x’+3x’—x+4 sao cho tiép tuyén cta (C) tai M va N ludn song
song v6i nhau. Hoi khi M, N thay d8i, duong thang MN 1uon di qua nao trong cac diém duwdi
day?

A.Diém N(-1-5) B.Dbiém M(L-5)  C.DbimQ(L5) D. biém P(-15)

Loi giai:

Vi tiép tuyén cua do thi ham bac ba tai 2 diém M,N thudc do6 thi ham sd song song véi nhau
nén duong thang MN phai di qua diém uén cta (C).

Tacod y' =-3x"+6x-1 y' =—6Xx+6

Cho y"=0< —6x+6=0< x=1. Diém uén Q(L5).

4 2 A . . \ 2 14 Ay . .« A? . - A A 2 A .
Cho ham s6 y = XLl d6 thi (C) Goi d la khoang cach tir giao di€m hai tiém can ctaa d6 thi
X+
(C) dén mot tiép tuyén cta (C). Gid tri 16n nhat cua d 6 thé dat dwoc la
A. 33, B. /3. C. V2. D. 2J2.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 44:

Loi giai

Tiém can dimg d,: x+1=0, tiém cdn ngangd,: y-1=0 = tam d6i xungla 1 (-11).

Phuong trinh tiép tuyén tai diém M (a;%ﬁj e(C)la:y= (ajrll)z (x—a) +ZL+5 (d).
‘(f%ll)2 e :i ail 2 2

Khi d6 d(1,d)= = = Sﬁzﬁ'

(a+11)4+1 \/(ail)4 +1 \/(a+1)2 + (ail)z

(MD 101 BGD&DT NAM 2017-2018) Cho ham s8 y = %x“ —%xz 6 do thi (C). C6 bao nhiéu
diém A thudc (C) sao cho tiép tuyén cua (C) tai A cit (C) tai hai diém phan biét
M (%;Y;);N(X,;y,) khdc A thoaman y, -y, =6(x —X,) .

Al B. 2. C.0. D. 3.

.....

Tac6 Ae(C)= A(t;%t4 —%tzj; y=x-Tx=y'(t)=t"-T7t.

Phuong trinh ti€p tuyén caa (C) tai A la
1., 7 3., 7
=(t?=T7t)(x-t)+=t*' —=t? < y=(t=7t)x-=t* + —t?
Phuong trinh hoanh d¢ giao diém:
“xt—Zx =(t3 —7t)x—§t“ T ot 14 —4(t3 —7t)x+3t4 ~14t> =0
4 2
X =t
X* +2tx+ 3t =14 =0 (1)
Tiép tuyén cit d6 thi (C) tai hai diém phan biétM (x;y,);N(X,;y,) khdc A khi phuong trinh
(1) c6 hai nghiém phan biét khac t

{t2(3t214)>0 7 <t<d7
=

o (x—t)z(x2 + 2tx + 3t? —14):0 <:{

<) o (2

t? +2t2+3t2-14 20 t;tiT

3.4 7
_ (43 4 2
X +X, ==2t yl_(t —7t)x1—Zt +§t

xx, =3 14 va =Y -Y, =(t3—7t)(x1—x2)

Khi dé:{ 3 .
y, =(t°-7t)x, _Zt4 +§t2

Tacd Y, — Y, =6(x —%,) < (£ =7t)(x, =%, ) =6(x —X,)

=-1
t*—7t-6=0 t+1)(t* -t—6)=0 t+1=0 :— 2(2) do (2
St -Tt-6=0 (t+1)(t' ~t-6)= “le_ti_g0" t:; ((I))(O())
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 45:

Cau 46:

o Véit=-1tacd A(—l;—%j

o Voit=-2tacd A(—2;—10)

= c¢6 hai diém thoa yéu cau bai toan.

Cho ham s8 y =x*—2018x c6 db thi la (C). M, la diém trén (C) c6 hoanh d6 x, =2. Tiép
tuyén cta (C) tai M, cat (C) tai diém M, khac M,, tiép tuyén ctia (C) tai M, cat (C) tai
diém M, khac M,,...., tiép tuyén caa (C) tai M, , cit (C) tai diém M, khic M,
(n=4;5;....), goi (X,;¥,) la toa do cua diém M, . Tim n dé 2018x, +y, —2**° =0.

A. n=685. B. n=679. C. n=675. D. n=673.

Loi giai:

Tacéd: y=x°>—-2018x = y'=3x*-2018

Giast: M, €(C), v6i k=12,.....= M, (X; X} —2018x, )

Phuong trinh tiép tuyén ctia (C) tai M, 1a A, 1y =(3x; —2018)(x—Xx, )+ X; — 2018,

Goi M, la giao diém cta A, v6i (C)

Phuong trinh hoanh d9 giao diém cua A, véi (C):

X° —2018x = (3x; —2018)(x—X, )+ X; —2018X, <> x° — X! —2018(x—X, ) —(X— X, )(3% —2018)=0
& (x=x) (¥ +xx-2x) =0 (x=x, )" (x+2%)=0 < )):iksz

Suy ra M, (—2%;-8x; +2018.2x, ), k=12,...

Hay x,,, =-2X,,véi k=12,....

= X, =—2X,,Vne N =(X,) lamot cdp s6 nhan véi X, =2 va cong boi q=-2.
=x,=2.(-2)",vneN" =y, =8(-2)""-2018.2.(-2)""

Ma 2018x, +y, —2%* =0 nén 2018.2.(-2)" +8.(-2)"° ~2018.2.(-2)" ~2® =0
(3n-3):2
3n=2019
(THPT Kinh Mén - Hai Dwong 2019) Xét db thi (C) cta ham s8 y =X’ +3ax+b véi a,bla
cac sO thue. Goi M, N la hai diém phan biét thudc (C) sao cho ti€p tuyén véi (C) tai hai

3n-3

n

& (-1 2N =2 o { & n=673.

diém d6 c6 hé s6 gbéc bang 3. Biét khoang cach tir gdc toa do téi duong thang MN bang 1. Khi
d6 gid trj 16n nhat caa a* —b? bang

A. 0. B3 C. 2. D. 2.
2 3
Loi giai:
. . o n C[Y'(%)=3 X +a=1
Giase M V), N(X,; .Tacé Yy =3x*+3a. T gia thiét ta cd .
(%) N(xe3y2) y & {y’(xz):?, X2 +a=1

Mat khac ¥, = X +3ax, +b = x (X} +a)+2ax, +b nén y, =(2a+1)x +b.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 47:

Dang 2:
Cau 48:

Twong tw y, =(2a+1)x,+b.
Suy ra phuong trinh duong thang MN 1a(2a+1)x—y+b=0.

b
Gia thiét c6 d(O,MN) =1« Lz:lc b*=4a’+4a+2.
(2a+1) +1
2
Vay a® b’ =-3a’-4a-2=-3 arl2| 2<%
3) 3 3
Gid trj 1én nhat ctia a® —b? bang %2 dat dwoc khi va chi khi az__z,b :i@ . Vay: n=673.

(CHUYEN KHTN LAN 2 NAM 2018-2019) Cho ham s8 y =—x*+3x*+9x ¢6 db thi (C). Goi
A,B,C,D labén diém trén do thi (C) véi hoanh d6 Ian luot 1a a,b,c,d sao cho tit gidc ABCD
1a mot hinh thoi dong thoi hai tiép tuyén tai A va C song song véi nhau va duong thang AC
tao vdi hai truc toa do tam giac can. Tinh tich abcd .

A. 60. B. 120. C. 144. D. 180.

Loi giai:

Pat A(ay(a)),B(b;y(b)).C(c;¥(c)), D(d; y(d)).

Theo gia thiét y'(a)=Yy'(c) < -3a*+6a+9=-3c*+6c+9< a+Cc=2 (vi a=C).

Do duong théng AC cit hai truc toa d6 tao thanh tam giac can nén hé s goc ctia duong théng
AC: k=41,

C
THL: k1= Y(©)=Y(3) —lesac=-10.
c—a c—a

)-vy(a) e —*+3c*+9c+a’-3a°-%a _

b+d=a+c=2
& y(d)_y(b) = bd =-12.

vp=-1 [N,

AB =DC {b—a:c—d
d-b

Do ABCD 1a hinh thoi nén ta c6 =
AC 1L BD

Do d6 abcd =120.
TH2: k =-1. Lap luan tuong tu ta thu duwoc abcd =120.
VIET PHUONG TRINH TIEP TUYEN BI QUA MOT PIEM CHO TRUOC

’ A 2 AVN . 2X - . . « A 2 . \ N A
Co bao nhiéu tiép tuyén cua do thi y = —23 di qua giao diém ctia hai duong tiém can?
X+
Al B. Khong co. C. Vo so. D.2 .
Loi giai:

A . \ A A \ g d 2 <A A 7
D6 thi ham s6 nhan duong thang X = —— =-2 lam tiém can ding.
C

w1 N 1A \ 2 a \ A A
D6 thi ham s6 nhan duong thang y =— =2 lam tiém can ngang.
C

Vay |(-2;2) la giao diém cua hai dudng tiém can.
7

TXD: D=R\{-2}. y'=——
-2y (x+2)*
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 49:

Cau 50:

Goi tiép tuyén tai M (XO; yo) ctia d6 thi ham s6 y = c6 dang:

X+2
Aty =y ()X~ %) + Yo hay Aty = (xx) + 203
(X +2)* X, +2
%.(—2—x0)+2X°_3
(%, +2) X, +2
y P 2.(x0+2)+2X°_3 21 +2X0_3
(% +2) Xy +2 (X +2) X, +2
2%, —-10

Xy +2

Vi A diqua I (-2;2)=2=

2=

< 4=-10, phrong trinh v6 nghiém.

Vay khong ton tai tiép tuyén nao cta d6 thi ham sd y = 2X_—23 ma di qua giao diém cua hai
tiém can.

[SGD SOC TRANG_2018] Tt diém M (-1,-9) cd thé vé dugc bao nhiéu tiép tuyén téi do thi
ham s8 y =4x>—-6x* +1

Al B.0. C. 3. D. 2.

Loi giai:

Lay diém A(X0 ;4%,° — 6%, +1) thudc d6 thi ham sg, ti€p tuyén tai A cd phuong trinh

y =(12x," =12%, ) (X=X, )+ 4%;° = 6%, +1.

Dé tiép tuyén qua M thi

-9 =(12x,7 —12%, ) (—1— X, ) +4%,> = 6X,” +1 <> —8x,® —6X,” +12%, +10=0

\ 4 . - A \ 5 A /4 A? 2 . - A A~ 7 . A
Phuong trinh c6 hai nghiém X, =-1 va X, = rk Neén qua M c6 thé ké dwoc hai tiép tuyen téi do

thi ham so.
3
Choham s6 y = —2% +X* +4x—2, goi d6 thi cua ham s& 1a (C). Viét phuong trinh tiép tuyén
cua (C) di qua diém A(2;9).
Al y=—x+2. B. y=-8x+5. C. y=x+25. D. y=-8x+25.
Loi gidi:
Phuong trinh duong thang (d) di qua di€ém A(2;9) c6 hé s8 goc k 1a y =k(x—2)+9.

3

2X 2
——>+ X +4X%, -2=k(X,—-2)+9 (1
(d) tiép xtic véi (C) tai di€m cé hoanh d6 X, khiheé { 3 ™ ° %=2+9 O
2%, +2%,+4=k (2)
nghiém X;.
3
Thay (2) vao (1) ta duoc: —2—?):0+x§ +4%, =2 = (=2%Z + 2%, + 4)(%, —2) +9
< 4x3 -15%2 +12x,-9=0< X, =3.
Thay X, =3 vao (2) ta dugc k =-8.
Vay phuong trinh tiép tuyén (d) la y =—8x+25.
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Cau 51:

Cau 52:

2 —
Cho ham s8 y = X—X1+1 c6 db thi (C). Viét phuong trinh tiép tuyén cia (C) xuét phat tir

M(-13).

A. y=3x-1;y=-3x. B. y=13;y=-3x. C.y=3,y=-3x+1. D. y=3;y=-3x.
Loi giai:

X? —2X
(x-1)°*
X2 —2X, (X_XO)+X§—XO+1

B (%, —1)? X, —1

X2 — 2%, (1-x)+ X2 — X, +1
(%, —1)? ° X, —1

Tacd y' = . Goi M (X,;Y,) 1a toa do ti€p diém cua tiép tuyén d véi (C)

Cach1: M ed 3=

N[

< 3(% 1% = (X = 2% ) (=X, =) + (X, —D) (X =X, +1) < 2% —5X, +2=0<> X, =2,X, ==
e Véi X, =2 = Phuong trinh tiép tuyén y =3.
e Véi x, = % = Phuong trinh tiép tuyén y = -3X.

Céach 2: Goi d 1a duong thang di qua M (=13), c6 hé s8 goc k, khi d6 phwong trinh d c6
dang:
y=k(x+1)+3.
d tiép xac do6 thi (C) tai diém c6 hoanh d6 X, khi hé phuwong trinh sau c6 nghiém x,:
2 —
X%+l k(x,+1)+3 ()
Xy —
X5 —2%,
(Xo _1)2

(2)

2 2
Xg =% +1 X5 —2X,

-1 (%-1°
e Véi X, =2 =k =0= Phuong trinh tié€p tuyén y =3.

Thé (2) vao (1) ta duoc: (X% +D)+3 < 2x2 =5, +2=0 X, = 2, %, =%.

e Véi X, = % = k =-3= Phuong trinh tiép tuyén y =-3x.
(SO GD&DT PHU THO NAM 2018-2019 LAN 01) Cho ham s8 y = x* —3x* +2 ¢6 do thi (C)

va diém M (m;-2). Goi S la tap hop tat ca cic gid tri thuc cia m dé qua M ké dung hai tiép

tuyén dén (C). Tong tat ca cic phan tir ctia S bang

A.%. B. 3. c.%. D. 2.
Loi giai:
y' =3x* —6x

Phuong trinh ti€p tuyén tai A(X,;Y,) co dang y = (3X§ - 6X0)(X — X, )+ X3 —3%; +2

Tiép tuyén qua M (m;-2), ta cé:
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Cau 53:

Cau 54:

—2=(3%; 6%, ) (M—%,)+ X —3X; +2 <= —2%5 +3%] (1+m)-6x,m+4=0

X,—2=0

—2%; +(3m—-1)x, —2=0 (2)

Qua M ké dung hai ti€p tuyén dén (C) khi phuong trinh (1) c6 dting hai nghiém phan biét

(% -2)(-2x; +(3m-1)x,-2)=0(1)

< phuong trinh (2) c6 nghiém kép khac 2 hodc phuong trinh (2) cd hai nghiém phan biét
trong d6 c6 mot nghiém bf?mg 2.
Truong hop 1. Phuong trinh (2) c6 nghiém kép khac 2

A=0 m=_ 5
3 m=—
= 3m—1¢2<:> me_1 3.
4 m=-1
m=3

Truong hop 2. Phwong trinh (2) ¢4 hai nghiém phan biét trong d6 c6 mot nghiém béng 2

{A>O m<—1hoaécm>§

5
S =S 3 ©&©m=2.Vay S={=;2;-1¢.
2.4-2(3m-1)-2=0 v {3 }
m=2

4 2 7 A . \ .« A2 - A/ m 7. . \ m N
Cho ham s6 y= c6 do thi (C) va diém A(a;l). Biét a=—( véi moi m,ne N va— toi

x—1 n n
gian ) 1a gia tri d€ c6 dung mot ti€p tuyén caa(C) di qua A. Khi d6 gid tri m+n la
A. 2. B. 7. C.5. D. 3.
Loi giai:
1

TXD: D=R\{l}. y'=————
(x-1)
Tiép tuyén tai tiép diém c6 hoanh dd X, (X, #1) ctia (C ) c6 phwong trinh.

R ()

Duong thang (A) di qua A(a;l) =1=-

. -2 2x; —6%,+a+3=0 (*)
(x0—1)2 X, #

C6 duy nhat 1 tiép tuyén qua A < pt(*) cé duy nhat 1 nghiém khéc 1

A'=0 3-2a=0 3 m
= ) = Sa=—=—=>m+n=5.
21" -6.1+a+3=0 a-1=0 2 n
(THPT NGO QUYEN HA NOI NAM 2018 - 2019 LAN 01) Cho ham s8 y = X—“Li’ 6 db thi 1a
X_
(C), diem M thay ddi thudc duong thang d:y=1-2x sao cho qua M ¢6 hai tiép tuyén ctia
(C) véi hai tiép diém twong tmg 1a A, B. Biét rdng duong thang AB ludn di qua diém cd

dinh la H . P06 dai doan OH la

A. 34 B. J10. C. V29 D. /58 .

Loi giai:
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Cau 55:

Goi M (m;1-2m)ed . Goi A 1a dwong thang di qua M c6 hé s8 géc 1a k, khi d6 phuong trinh
duong thang Aty =k(x-m)+1-2m.

X—f: k(x—m)+1-2m
X —
Dé A 1a tiép tuyén ctia d6 thi (C) thi hé phurong trinh a4 c6 nghiém.
=k
4 . . X+ 3
Thay k=- ( 1)2 vao  phuwong  trinh =k(x-m)+1-2m  ta  duoc
X~ X~

mx*+2(2-m)x-m-2=0 (*).
Qua M ké duoc hai tiép tuyén véi (C) khi va chi khi phuong trinh
g(X):mX2+2(2—m)X—m—2=0céhainghiémphénbiétX;tl
a=m=0
& A'=(2—m)2+m(m+2)>0 <:>{
g()=m+4-2m-m-2=0

m=0
m=1"

Goi A(X4;Ya), B(Xg;Yg) 12 hai tiép diém, véi X,, X, 12 hai nghiém ctia phuong trinh (*).

2(m-2
Xyt Xg = —( )
Theo dinhly Vi-et ta c6 m
m+2
XpXg ==

Goi | la trung diém ctia doan thang AB thi | (m_—Z’ m+ ij )
m m-—

< [ AD 2m(XB_XA) ~ ‘ N \ 2 \
Mat khac AB =| X; —X,; — 1 = mot vecto phap tuyén ctia duong thang AB la
=(2m;1-m).
Phuong trinh duong thang di qua hai diém AB cé mot vecto phap tuyén n= (2m;1-m) va di
qua diém I(m—_z; m+3) la 2mx+(1-m)y+7-m=0.
m m-1

Goi H(xy;Yy ) la diém cd dinh ma duong thing AB di qua.
Khi d6, 2mx,, +(1-m)y, —-m+7=0<m(2x, -y, —1)+y, +7=0 véimoi m=#0 va m=1.

2x, —Y,—1=0 Xy =—3
Suyra{ . y_H { 7::>H(3 7 VayOH—J \/_

y,+7=0 Yy =
Cho ham s6 y = X—+i c6 dd thila (C), difm M thay ddi thudc duong thiang d:y =1-2x sao
X_

cho qua M ¢6 hai tiép tuyén ctia (C) véi hai tiép diém twong ting la A, B. Khoang céch tur
O dén duong thing AB 16n nhét bang

A. 34, B. J10. C. /58. D. v/29 .
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Cau 56:

Cau 57:

Loi giai:

K& thtra 10i giai trén, ta c6 duong thang AB: 2mx+(1-m)y-m+7=0 ludn di qua diém cd
dinh H (-3,-7).

Goi K 1a hinh chiéu vudng goc ctia O trén AB . Ta c6 OK < OH =+/58 . Déng thitc xy ra khi
vachikhi K=H, tiecla OH L AB hay 7.2m-3(1-m)=0<m= % (théa diéu kién m#0 va
m #1). Vay khoang cach tir O dén duong thing AB 16n nhat bang /58 .

(THPT SON TAY HA NOI NAM 2018-2019 LAN 01) Cho ham s8 y=x*+1 c6 d6 thi (C).
Trén duong thang d:y=x+1 tim duoc hai diém M, (x;y,), M,(X,;y,) ma tir mdi diém d6

ké duoc ding hai tiép tuyén dén (C). Tinh gia tri biu thirc S = g(yf +Ys VY, )+ 3
N B 4 c D. 2.

15 15 15 15
Loi giai:

Giast M ed:y=x+1, tagoi M (a;a+1). buong théng A di qua M (a;a+1) c6 hé s6 goc k
c6 phrong trinh la: y =k(x—a)+a+1.
Puong théng Ati€p xtc véi (C) khi va chi khi hé phwong trinh sau c6 nghiém:
{X3+1:k(x_a)+a+1@{g(x):2x3_3ax2+a:0 (*)

3x* =k 3x* =k
Tt M ké dugc ding hai ti€p tuyén dén (C) khi va chi khi phwong trinh (*) ¢ hai nghiém
phan biét <> ham s8 y=g(x)=2x>-3ax’+a cé hai diém cuc tri X, X, thoa man ¢ (Xi) =0
hoac ¢ (XZ) =0 < g'(X)=6x*-6ax=0 cé hai nghiém phan biét x, X, va ¢ (Xl) =0 hoac
g(x,)=0.

L ) x=0
Xét g'(x)=0=6x*-6ax=0< e
a=0 a=0
a=-1
Tacé: 1| g(0)=0<=4|-a=0 Q{a—l .Suy ra:M, (-1;0) va M, (1;2).
g(a)=0 —a’+a=0 -

A 1 3 2 1 41
Vay: S—g(yl +y2+yly2)+§—g(0+2 +0'2)+§_E'

(THPT NINH BINH BAC LIEU NAM 2018-2019 LAN 04) Cho db thi (C):y = x* —3x?. C6 bao
nhiéu s nguyén b € (-10;10) d€ c6 dung mot tiép tuyén cua (C) di qua diém B(0;b)?

A.2. B.9. C.17. D. 16.

Loi giai:

Goi M, (%y; %5 —3x¢ ) 1a tiép diém.

Tiép tuyén A caa (C) tai M, c6 dang y = (3x§ —6x0)(x— X )+ X5 — 35

A qua B(0;b) < b= (3x§ —6x0)(0— Xo )+ X5 —3%; < —b=2xs —3x; (*).
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Co dlng mot tiép tuyén cta (C) di qua diém B(0;b) < (*) c6 ding 1 nghiém X, .
x=0
bit g(x)=2x>-3x%; g'(x)=6x*-6x; g'(X) =O<:{X i
Ta c6 bang bién thién ciia ham g(x)
X ‘ o 0 | o

g'(x) ‘ - 0 +

0
0 s
2(x) / \ /
o -1
oy _ ~-b>0 b<0
Dua vao bang bién thién suy ra phwong trinh (*) ¢6 dting 1 nghiém < [—b eq® {b e

Vi b nguyén va b e(-10;10), suy ra b e {-9;-8;...;-1;,2;3;....;9}, c6 17 gid trictia b .

Cau58: Chohamsd y=

c6 d6 thi (C) va diém A(a;1) . Goi S la tap hop tat ca cac gia tri thuc

cua tham s ¢ d€ c6 dung mot tiép tuyén caa (C) di qua A . Tong tat ca cac gid tri cac phan tw

caa S la
A l. B.é. C.é. D.l.
2 2 2
Loi giai:
PKix#1,; y'= -1 >
(x=1)

DPuong thang d qua A c6hésd goc k 1a y=k(x—a)+1

Kr—a)+1=""F2(1)
d tidp xtic véi (C) < ) - c6 nghiém.

)

Thé (2) vao (1) tacod:

~(x—a)+1= X2 S —x+a+x’-2x+1=-x"+3x-2,x#1
(x-1) -1

< 2x" —6x+a+3=0(3)
Dé do6 thi ham s6 ¢ mot tiép tuyén qua A thi hé la s6 nghiém cta hé phuong trinh trén c6
nghiém duy nhat < phuong trinh (3) c6 nghiém duy nhat khac 1

_{A'=9—2a—6=0

) 1-6+a+3=0 a=
& 2x"—-6x+a+3=003) &

N W

=
{A':9—2a—6>0 -

2—-6+a+3=0

-1
(x-1)

Cach2: TXD: D=R\{l} ; y'=

2
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Gia str tiép tuyén di qua A(a;1) 1a tiép tuyén tai diém c6 hoanh do X = X,, khi d6 phuong trinh

— —X, +2
e @)

Vi Aed nén thay toa do diém A vao phuong trinh duong thang d ta c6 :
- - 2%; —6x%,+3+a=0(1
e are L LT
(%, —1) X, —1

Dé& chi c6 mot tiép tuyén duy nhat di qua A thi phuong trinh (1) c6 nghiém duy nhat khéc 1

{A'=9—2a—6=0

tiép tuyén cd dang: y =

X, #1

1-6+a+3#0 a= E
= , = 2
A'=9-2a-6>0 | _,
i 2-6+a+3=0
Dang 3: VIET PHUONG TRINH TIEP TUYEN KHI BIET HE SO GOC CUA TIEP TUYEN
Cau59: (THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s8 y = f (X) ¢6 d6 thi nhw

Cau 60:

Cau 61:

hinh vé

\ 1

D6 thi ham s6 da cho cd bao nhiéu tiép tuyén vudng goc véi truc Oy ?

A. 3. B. 0. C. 2. D. 1.

Loi gidi:

Tt d6 thi ta c6 hai ti€p tuyén vudng goc véi truc Oy la y=-1y=-2.

(THPT Thang Long — Ha No6i — Lan 1 - 2018) C6 bao nhiéu diém thudc do thi ham s&
2x-1

thda man tiép tuyén véi do thi cé hé s§ gdc bang 2018 ?

A.l. B. 0. C. V0 s0. D. 2.
Loi giai:
Téap xac dinh D= R\ {1} .
y’:_—12<O,VX¢1.
(x-1)
Heé s8 goc tiép tuyén tai diém X, trén d6 thi bang y'(Xy)=2018 < -1 5 = 2018 v0 nghiém.

(x-1)
Vay khong c6 ti€p tuyén nao ctia d6 thi ham s6 c¢6 hé s goc bang 2018 .
(THPT LUONG TAI - BAC NINH - LAN 2 - 2017 - 2018 - BTN) Biét tiép tuyén ctia d6 thi ham
s6 y=ax"+bx’+2 tai diém A(-1; 1) vudng géc véi duong thang x—2y+3=0. Tinh a*-b?.
A. a®-b®=10. B. a® b’ =13. C.a’-b*=-2. D. a*-b’=-5.

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 27




Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 62:

Cau 63:

Cau 64:

Loi giai:
Tacé y' =4ax®+2bx = 2x(2ax2 +b).

Duong thang x—2y+3=0 c6 hé s6 goc k:%.

Suyra f'(-1)=-2 &-2(2a+b)=-2<2a+b=1.
A(—l; 1)thu©c d6 thi ham s6nén a+b+2=1<a+b=-1
2a+b=1 {a=2

=N —a’-b*=-5.
a+b=-1

Ta c6 hé phuong trinh: {

A s N A v AN ’ 1 7 AN
(GKI NHAN CHINH HA NOI NAM 2018-2019 LAN 01) Cho ham s6 y = 3 x> +3x*—2 c6 do

thi la (C). Viét phuong trinh tiép tuyén véi do thi (C) biét tiép tuyén cd hé s6 goc k = -9

A. y+16=-9(x+3). B. y=-9(x+3). C. y-16=-9(x-3). D. y-16=-9(x+3).

Loi giai:

Ta co: y' = x* +6X.

Goi M (X,; ¥,) 1a ti€p diém cua tiép tuyén véi (C).

Ta c6 hé s8 goc ctia tiép tuyén 1a: y'(X,)=-9 < X) +6%, =-9 < X3 +6%, +9=0 < x, =-3.
Véi X, =-3= M (-3; 16).

Suy ra phuong trinh tiép tuyén véi do thi (C) tai M (—3; 16) c6 dang: y-16= —9(X + 3) .
(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Tiép tuyén cua do thi

(C):y= ];).‘(L tai diém c6 tung do bang 1 song song véi duong thang
X+

A. (d):y=2x-1. B.(d):y=—x+1. C.(d):y=x-1. D. (d):y=-2x+2.
Loi giai:

1-x
.Goi A(X%y,;1)e(C) thi 0
eagy O AU B

Tiép tuyén cta (C) tai diém A c6 phuong trinh: y = y'(O)(X—O) + y(O) =-2X+1.

Tacd: y'= 1 x, =0.

Suy ra tiép tuyén song song véi (d):y=-2x+2.
(THPT Hong Bang - Hai Phong - Lan 1 - 2018) Cho duong cong (C):y=x+2x"+3x+4 va
duong thang d :3x—y+4=0. Phuong trinh nao dudi day la phuong trinh ctia duong thang
tiép xtic voi (C) va song song voi d ?
A. y=3x+%. B. y=3x+4. C.81x—-27y+32=0. D. 81x—-27y+140=0.
Loi giai:
Tiép tuyén song song v6i d nén hé s8 goc cta ti€p tuyénla k=3, ma k =y'(X,).

X, =0

Suy ra 3%’ +4%,+3=3< 4. Do d6 ta c6 hai diém M (0;4), N [_%;%)
X, =——
3
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Tai M (0; 4) , ta co ti€p tuyén la: y =3x+4 trung véi d nén khong thoa.
Tai N —ﬂ;g ta co tiép tuyénla y=3 X+ﬂ +§ < 81x-27y+140=0.
327 3) 27
Cau 65: (THPT Phan Dang Luu - Hué - Lan I -2018) Tim phwong trinh tiép tuyén ctia d6 thi ham s&
y= XLi, biét tiép tuyén vudng gdéc véi duong thang y =%X—5 va ti€p diém c6 hoanh do
X —
duwong.
A. y=-3x+10. B. y=-3x+2. C. y=-3x+6. D. y=-3x-2.
Loi giai:
Goi X, la hoanh d9 tiép diém (X, > 0).

Vi tiép tuyén vuong goc voi duong thang y = % X—5 nén ta c6: y'(%,)=-3

- =0 (loai
=3 (%-1) =lex’ -2 =0 < % =01 ')<:>x0:2:>y0:4.
(% 1) X =2
Vay phuong trinh tiép tuyén can tim la: y =-3(x— 2) +4 =-3x+10.
Cau 66: (THPT Hai An - Hai Phong - Lan 1 - 2017 - 2018) Tim s tiép tuyén song song vdi truc hoanh
ctia @6 thi ham s y = x* —2x* +10.
A. 3. B. 0. C. 2. D. 1.
Loi giai:

f—

x=0

x=41

Ham s6 da cho 1a ham bac 4 trung phuong c6 hé s6 a>0 nén c6 3 diém cuc tri (1 cuc dai, 2
cue tiéu) tuy nhién, tiép tuyén song song véi truc hoanh tai 2 diém cuc ti€u la trung nhau nén
co 2 tiép tuyén thoa man yéu cau bai toan.

y':0<:>4x3—4x:0<:{

Cau 67: (THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 02) C6 bao nhiéu tiép tuyén cua do thi
ham s§ y = x* - 3x + 2 song song véi duong thang 9x —y —14=0?
A. 0. B.1. C. 3. D. 2.
Loi giai:
Goi (C) 1a do thi ctia ham s6'y = x° —3x + 2.
Tap xac dinh: D =R.
Paoham: y'=3x*-3.Goi d:9x-y-14=0=d :y=9x—14.
Goi A 1a tiép tuyén can tim.
A Il d:y=9%x-14 = Phuong trinh A c6 dang Yy =9x+m, (m=-14).
X*—3X+2=9x+m

A tiép xtc (C
1epxuc( )@{3){2_3:9

x3=3X+2=9x+m
Q{

() {z

(*) c6 nghiém

x:2:>m:—14(l)

N x=-2=>m=18(n)
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Cau 68:

Cau 69:

Suy ra phuong trinh tiép tuyén can timla A:y =9x+18.

X+Db
ax—2
a, b la cac gid tri thoa man tiép tuyén cuia d6 thi ham so tai diém A(l; —2) song song voi

(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Cho ham s8 y = , (ab=—2). Biét ring

duong thang d :3x+y—4=0.Khi d6 gia tri cia a—3b bang

A -2. B. 4. C. -1. D. 5.
Loi giai:
Ta co: y'=L_22.
(ax—2)
: A paiiy o~ 14D
Do A(l, —2) thudc d6 thi ham s6 nén —2:—2<:> b=3-2a.
a_
oy e _ . At —-ab—2
Do ti€p tuyén tai A(1;—2) song song v6i d:3x+y—4=0 nén y'(1)=-3 <:>( 2)2 =—
a_
2 ) a=1
Thay b=3-2a ta duoc: —a(3-2a)-2=-3(a-2) <5a°-15a+10=0 < -

+)V6i a=2=>b=-1 (loai, do ab# -2)
+) V6i a=1= b =1. Phuong trinh tiép tuyén tai A(-12)1a y=-3(x+1)+2 song song véi d .
Vay a=1,b=1,suyra a-3b=-2.

(CHUYEN VINH LAN 3-2018) Cho db thi (C):y= X2__x1 va d;, d, 1a hai tiép tuyén cua (C)
song song v4i nhau. Khoang cach 16n nhat gitra d, va d,1a
A.3. B. 24/3. C. 2. D. 242.

Loi gidi:
x-1 1
Do (C):y=—-,Vy (X)=— Vx=0.
d,, d, 1a hai tiép tuyén cta (C) song song véi nhau lan luot c6 cac hoanh d9 tiép diém la
11 {xl =X,
—

= =X =—X,.
2x?  2x2 x, AT

X, % (% #X,),néntacod y'(x) =y (x,)< =
)

PTTT d, tai M (xi;xg—;f}wi(x—xi)ﬂ—‘l@i(x—x1>—y+xi—‘1=o.

Khidé dy, , =0, = _
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Dang 4:
Cau 70:

Cau 71:

Cau 72:

Nl-b

ApdungBDTCoS1taco4X1+—>2 4x; i—4:>dd
(P ﬁ

HAI PO THI TIEP XUC
[S6 GD&DT Binh Phu6c-2017] D6 thi cia ham s8 f (x) =X’ +ax* +bx+c¢ tiép xtc véi truc
hoanh tai gdc toa do va cht duong théng x =1 tai di€ém c6 tung do b%mg 3 khi.
A.a=2,b=c=0. B.a=2,b=2,c=0. C.a=b=0,c=2. D.a=c=0,b=2.
Loi giai:
f(x)=x*+ax*+bx+c co dd thila (C).

Vi (C) tiép xtic véi Ox tai goc toa do nén ta co: { = f(x)=x*+ax’.

f(x)=0 c=0
f—
f'(x)=0 b=0
Theo gia thiét (C) cat duwong thang x =1 tai diém cé tung d6 bang 3 suy ra.
f)=3<=l1l+a=3=a=2.
mx —2
X—m+1

Tim tat ca cac gia tri cia tham s6 m sao cho tiém can ngang ctia d6 thi ham s6 y =

tiép xtic véi parabol y=Xx*+7.
A.m=7. B. m=+/7. C.m=4. D.meR.
Loi giai:
s A : m#-1
D6 thi ham s6 c6 tiém can ngang khi m(l— m)+ 20 {m 5 -
*
Khi d6 d6 thi ham s& ¢4 tiém can ngang la y =m(A).
(A) ti€p xtic voi parabol y =X +7<m=7.
(Chuyén Thai Binh-Thai Binh-L4-2018) Ho parabol (P,):y=mx’-2(m-3)x+m-2 (m=0)
ludn tiép xtic véi duong thang d cd dinh khi m thay déi. Puong thang d dé di qua diém nao
dudi day?
A. (0;-2). B. (0;2). C. (L8). D. (1-8).
Loi giai:
Goi H (X,;Y,) 1a diém c8 dinh ma (P, ) ludn di qua.
Khi d6 ta c6: Y, = Mxg —2(M—=3)X, +M—2 &< m(x; = 2%, +1)+ 6%, -y, —2=0, ¥m = 0.
X: — 2%, +1=
% TP H1=0
6X, — Y, -2=0
Do X5 —2X, +1=0 c6 nghiém kép nén (P, ) ludn tiép xtc véi dwong thang d 1y =6x—2.
Ta thay (0;-2) ed.

III- BAI TAP TRAC NGHIEM TU LUYEN

Cau 73:

Viét tat ca cac phuong trinh ti€p tuyén cua do thi (C):y =x° —2x* +1, biét tiép tuyén song song

véi duong thang y=-x+1.
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Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

Cau 79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

A y=x-1, y=—x+1. B.yz—x+§—;;y=—x+1.C.y=—x+%. D.y=-x+3, y=—x+1.
Viét phrrong trinh tiép tuyén ctia (C):y =x" —2x tai diém M(1;-1).

A. y=2x-3. B.y=x-2. C. y=x-1. D. y=-x

Viét phurong trinh tiép tuyén ctia d6 thi (C):y=x"-2x* +1 tai diém A(L0).

A y=x-1. B.y=—x+1. C. y=-x. D. y=2x-2.

Viét phwrong trinh tiép tuyén ctia do thi (C):y=x"-2x* +1 tai giao diém cua (C) va Oy.

A y=-1. B. y=2. C y=L D. y=2x+1.

Viét tat ca cac phuong trinh ti€p tuyén cta do thi (C):y =x° —2x* +1, biét tiép tuyén song song

véi duong thang y=-x+2.

A y=x-1L y=—x+1. B.y:—x+%;y:—x+1.

C.y:—x—%;y:—ﬂl. D.y=—x+3, y=—x+1

Viét tat ca cac phuong trinh tiép tuyén ctia d6 thi (C):y =x"-2x" +1, biét ti€p tuyén song song
véi duong thang y=-x+1.

A y=x-1, y=—x+1. B. y=—x+%; y=—x+1.C. y=—x+%. D.y=-x+3, y=—x+1.

C6 bao nhiéu tiép tuyén ctia do thi (C):y=x>-2x"+1, biét ti€p tuyén song song vdi dudng
thang y=-x+1?

A. 1. B. 2. C. 3. D. 4.

Viét tat ca cac phuong trinh tiép tuyén cua d thi (C):y =x —2x* +1, biét ti€p tuyén vudng goc
voi duong thang x +7y =0,

A.y=7x+5;y=7x+%. B.y=7x+5;y=7x—;—§.
C.y=7x+5;y=7x—%. D.y=7x—5;y=7x—¥.

Viét phwrong trinh tiép tuyén ctia d6 thi (C):y=x" -3x* +2 tai diém A(-1;-2).

A y=x-1. B. y=9x+7. C. y=9x. D. y=2x.

Viét phwong trinh tiép tuyén ctia d0 thi (C):y=x" -3x” +2 tai giao diém cta (C) va Oy.
A y=-1. B.y=2. C. y=4 D. y=2x+1.

Viét tat ca cac phuong trinh ti€p tuyén ctia do thi (C):y =x° —3x* +2, biét tiép tuyén song song
voi duong thang y=9x +2.

A.y=9x+7; y=9x+25. B. y=9x+7; y=9x-25.

C.y=9x-7; y=9x-25. D. y=9x; y=9x+25.

Viét tat ca cdc phwong trinh tiép tuyén ctia d6 thi (C):y =x—3x +2 biét tiép tuyén song song
voi duong thang y=9x+7.

A. y=9x-25. B. y=9x+7; y=9x-25.
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Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cau 92:

Cau 93:

Cau 94:

Cau 95:

C. y=9%-7; y=9x-25. D. y=9x; y=9x+25.

C6 bao nhiéu ti€p tuyén cua do thi (C):y=x"-3x"+2, biét ti€p tuyén song song véi duwong
thang y=9x+7?

A. 1. B. 2. C. 3. D. 4.

Viét tat ca cac phuong trinh tiép tuyén ctia d6 thi (C):y=x"-3x"+2, biét tiép tuyén vudng
gbc voi duong thang x -3y =0.

A. y=-3x-3. B. y=-3x+1. C. y=-3x+3. D. y=-3x+2.
Viét phuong trinh tiép tuyén cta d6 thi (C):y= 2x +21 song song véi duong thang
X+
A:3x-y+2=0.
A. y=3x-4. B. y=3x+2. C. y=3x+14. D. y=3x+4.
Viét tat ca cdc phuong trinh tiép tuyén ctia d6 thi (C):y=x"-3x+2 c6 hé s8 goc bang 9.
A. y=9x-18; y=9x+22. B. y=9x-14; y=9x +18.
C.y=9x+18; y=9x+22. D. y=9x-14; y=9x-18.
Viét phurong trinh tiép tuyén ctia d6 thi (C):y = . f tai diém A(S;%j.
x_
1 1 1 1
A y==x-1 B.y=—x-—-. Cy==x D.y=x.
4 2 Y 4 4 Y 6 Y

Viét phurong trinh tiép tuyén ctia d6 thi (C):y = z f tai giao diém cua (C) va Ox.
x —

A y=x+1 B.y=x+2. C. y=x-1. D.y=x-2.

Viét phurong trinh tiép tuyén ctia d6 thi (C):y = ad i tai giao diém cua (C) va Oy.
x —

A y=x+1. B.y=x+2. C.y=x-1. D.y=x-2.
Viét phuong trinh tiép tuyén ctua d6 thi (C):y :x—_i, biét ti€p tuyén song song voi duong
x_

thang x -y =0.
A y=x+2;y=ux B.y=x+2,y=x-2. C.y=x+Ly=x-2. D.y=x+2,y=x-4.

.« A, \ - A A 2 AVN . _2 . A A A 7. \
Viét phuong trinh tiép tuyén cta dd thi (C): y:x—l, biét ti€p tuyén song song véi duong
x_

thang x -y -2=0.

A y=x+2; y=nx. B.y=x+2,y=x-2. C.y=x+Ly=x-2. D.y=x+2.
C6 bao nhiéu tiép tuyén cta d6 thj (C):y= x_i, biét tiép tuyén song song véi duong thing
x_
x-y—-2=07
A. 1 B. 2. C. 3. D. 4.
Viét phuong trinh tiép tuyén ctua d6 thi (C):y=x>-3x"+x+1 tai di€m c6 hoanh do x, thoa
man y"(xo):&
1 5 5 5

A y=——x+2. B.y=—2x-1. C.y=—2x+1 D. y=—2x+1.

d 4x 4 Y 4x Y 7 4x
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Cau 96: Biét ti€p tuyén ctua do thi (C ) :y=x"-3x"+x+1 tai diém c6 hoanh dé «x, =% cat truc Ox, Oy
lan luot tai A, B, tinh dién tich S cuia tam gidc OAB.
A.Szl. B,S:g_ C. 5=4. D.Szé.
5 5 5
Céu 97: Viét phuong trinh tiép tuyén cua do thi (C ) :y=x"+2x"+1 tai diém c6 hoanh d6 x, thoa man
y"(x,)-16=0.
A. y=8x-4. B. y=8x—-4; y=8x+4.
C.y=8x—-4; y=-8x-4. D. y=8x-4; y=8x.

3

Cau 98: Tim hé s§ géc nho nhét k. cha tiép tuyén véi do thi (C):y = %x3 EPIINEY
0. D.k_ =-2.

Ak, =4 B.k_ =4 C. k. =
Cau 99: Viét phurong trinh tiép tuyén véi d6 thi (C):y = %xB —2x% + %, biét ti€p tuyén co hé sd goc nho

nhat.
A y=—4x-3 B. y=—4x+3. C. y=2x+3. D. y=-2x+3.

Cau 100: Tim hé s§ goc 16n nhat k,, cia tiép tuyén voi d6 thi (C):y = —%x3 +2x° + %

Ak =—4 B. k=4 C. k_ =6 D. k_ =-2.

Cau 101: Viét phuong trinh tiép tuyén voi do thi (C):y = —%xS £2x 4 % biét ti€p tuyén c6 hé s§ gbe lon
nhat.
A. y=—4x-3. B. y=—4x+3. C y=4x-2 D. y=-2x+3.

Cau 102: Trong cac duong thang c6 phuong trinh dwoc cho dudi day, duong thang nao 1a tiép tuyén
cta do thi (C):y=x"-3x+1?
A. y=-3x-3. B. y=-3x+1. C. y=-3x. D. y=-3x+3.

Cau 103: Trong cac duong thang cé phuong trinh duwoc cho dudi day, duong thang nao 1a tiép tuyén
cta do thi (C):y=x"+2x* +1?
A y=-x-3. B.y=—x+1. C.y=-—x+2. D. y=-x

Cau 104: Biét cac tiép tuyén c6 hé s goc bang —1 ctia d6 thi (C):y=x"+2x" +1 tiép xtc véi (C) tai cac
diém A, B. Tinh d0 dai doan théng AB.

\1447 \1447 \'1447 \1447

A. . B. . C. . D. .
24 3 27 9
Cau 105: Tiép tuyén cuia d0 thi (C):y=—4x" +3x+1 di qua diém A(-1,2) c6 phuong trinh la
A y="9x+7,y=—x+2. B.y=-"9%x-1L y=—x+2.
C.y=-"9x+1Ly=2. D.y=-"9%-7,y=2.
Cau 106: Tiép tuyén ctia do thi (C):y = 2x _11 qua diém A(-1;4) c6 phuong trinh la
X+
1 13 1 1 1
A y=—x+—. B.y=—x+—-. Cy==-x+4. D. y=x+5.
/ 3x 3 Y 3x 3 d 3x e

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 34



Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 107:

Cau 108:

Cau 109:

Cau 110:

Cau 111:

Cau 112:

Cau 113:

Cau 114:

Cau 115:

Cau 116:

Cau 117:

Cho ham s8 y=x-3x* —x+1 ¢6 d0 thi (C). Ti€p tuyén cua (C) tai diém thudc do thi (C) cb
hoanh d¢ duwong va la nghiém ctia phwong trinh y'+x.y" —11=0 cé phuong trinh la
A y=—x-3. B. y=—4x+2. C.y=—x+2. D. y=—4x-3.

Cho ham s6 y=x°-3x* ¢6 do thi (C) .Goi M la diém thudc d0 thi (C) 6 hoanh d6 bang 1.
V6i gia tri nao ctia tham s6 m thi tiép tuyén cua (C ) tai M song song vdi duong th:fmg
d:y:(m2 —4)x+2m—1?

A m=1. B. m=-1. C.m=2. D. m=-2.

Cho ham s6 y=x" —2(m+1)x2 +m+2 cb6 do thi (C) Goi A la diém thudc &6 thi ham s6 cé
hoanh d¢ bang 1. Vi gid tri ndo ctia tham s& m thi tiép tuyén véi db thi (C) tai A vudng goc
véi duong thang A:x—4y+1=0?

A . m=1. B. m=-1. C.m=2. D. m=-2.

Cho ham s6 y=2x"-3x*+5 c6 d6 thi (C) . Goi d:y=kx+m 1a tiép tuyén cua (C) tai diém cé
hé s8 goc tiép tuyén nho nhat. Tisd T=2m:k cb gia tri bang
A. . T=-7. B. T=-5. C. T=5. D. T=7.

Cho ham s6 y = f(x) c6 d6 thi (C) va diém M, (xo; f(x )) thudc (C). Phuong trinh tiép tuyén
cua (C) tai M, la:

A. y:f’(xo)(x—xo). B. yzf’(xo)(x—xo)erO. Cy-y, =f’(x0)x. D. y-y, =f’(x0)(x—x0).

Cho ham s8 y = f(x) c6 dao ham trong khoang (a;b), do thi la dudng cong (C). D& dudng
théng A:y=ax+b la ti€p tuyén cua (C) tai diém M, (xo;f(x0 )) , diéu kién can va du la

A.azf/(xo). B. ax0+b=f/(x0). C. {azf/(xo) . D. {azf/(xo) .
ax, +b=f(x,) ax, +b=f'(x,)

Phurong trinh tiép tuyén cua dudng cong (C):y=x"—2x+3 tai diém M(1;2) la

A y=2x+2. B. y=3x-1. C.y=x+1. D.y=2-x.

Tiép tuyén cua dudng cong (C): y=xx tai diém M(1;1) ¢ phuong trinh

A. y:§x+%. B. y:—§x+%. C. yzgx—%. D. y:§+§.

Tié€p tuyén véi d6 thi ham s6 y = % tai diém véi hoanh d¢ x =-1 ¢6 phwong trinh

A y=—x-3. B.y=-x+2. C.y=x-1. D.y=x+2.

Cho ham s6 y=-x*+5 ¢6 do thi (C). Phuong trinh tiép tuyén cua (C) tai M c6 tung do
y, =-1, véi hoanh d¢ x, <0 la két qua nao sau day?

A y=2V6(x+6)-1. B.y=-2V6(x+6)-1. C. y=2v6(x~6)+1. D.y=26(x-6)-1.

Cho ham s8 y=x*+5x+4 c6 do thi (C). Tiép tuyén cua (C) tai cc giao diém cua (C) véi
truc Ox, c6 phuong trinh:

A. y=3x-3 hodc y=-3x+12. B. y=3x+3 hoac y=-3x-12.

C. y=2x-3 hodc y=-2x+3. D. y=2x+3 hodc y=-2x-3.

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 35



Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 118:

Cau 119:

Cau 120:

Cau 121:

Cau 122:

Cau 123:

Cau 124:

Cau 125:

Cau 126:

Cau 127:

2x+1

Tiép tuyén ctia d6 thi ham s6 y = tai di€m cé hoanh d bang 2, c6 hé s8 goc bang

x-1
A. 1. B. -3. C.3. D.5.

Cho duong cong (C):y =x". Tiép tuyén ctia (C) c6hé s6 goe k=12, c6 phurong trinh:

A. y=12x%16. B. y=12x8. C.y=12x+2. D. y=12x+4.

Cho ham s6 y=x*-2x+3 c6 do thi (C). Tai diém M(x,;y,)e(C), ti€p tuyén c6 hé s§ goc
bang 2 thi x, +y, bang

A.2. B. 3. C.4. D.5.

3
Goi (C) la db thi ctia ham s8 yz—%—sz —3x+1. C6 hai ti€p tuyén ctia (C) cing c6 hé s§

goc bing % D6 1a cAc tip tuyén

A.y=§x+§ hodc y=§x+3. B.yzéx—2 hoac yzéx—3.
4 24 4 4 12 4
C.]/:Ex+g hoac y:§x+E. D.y:§x—g hoac y:§x+3.
4 12 4 4 4 24 4

Cho ham s6 y =2x" +3x* —4x+5 ¢4 d0 thi la (C). Trong s8 cac ti€p tuyén ctia (C), cd mot tiép
tuyén c6 hé s8 goc nho nhat. Hé s géc cua tiép tuyén nay bang

A. -3,5. B. -5,5. C. -7,5. D. -9,5.

Cho ham s8 y=x"-6x"+9x c6 do thi (C). Tiép tuyén ctia (C) song song véi dudng thing
d:y=9x cé phuong trinh

A. y=9x+40. B. y=9x-40. C.y=9x+32. D. y=9x-32.

Goi (C) la do thi ctia ham s8 y=x'+x. Ti€p tuyén cua (C) vudng goc véi dudng thang
d:x+5y=0 co phuong trinh la

A. y=5x-3. B. y=3x-5. C.y=2x-3. D.y=x+4.

Choham s6 y=x"+3x* +1 ¢6 d06 thi la (C) . Goi A la tiép tuyén cua (C) tai diém A(1;5) va B
la giao di€m thit hai cia A v6i (C). Dién tich tam gidc OAB bang

A.5. B. 6. C.12. D. 6/82 .

Cho ham s§ y=4x’-6x"+1 ¢ do thi (C). Tiép tuyén cua (C) di qua diém M(-1-9) cb
phuong trinh

15 21

A y=24x+15. B.y=—x+—.
y ¥=7 1
C. y=24x+15 hoac y=§x—%. D. y=24x+33.

Cho ham s§ y =x*-3x* ¢4 do thila (C). Cac ti€p tuyén khong song song vdi truc hoanh ké tir
goc toa do O(O;O) dén (C) 1a
A. y=2x hoac y=-2x. B. y=x hoac y=—x.

C.yzgx hoac yz—%x. D. y=3x hoac y=-3x.
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Cau 128:

Cau 129:

Cau 130:

Cau 131:

Cau 132:

Cau 133:

Cau 134:

Cau 135:

Cau 136:

2
Cho ham s& yzxz—x+1 6 do thi (C). Tr di€m M(2;-1) c6 thé ké dén (C) hai tiép tuyén

phan biét. Hai ti€p tuyén nay cé phuong trinh

A. y=-x+1 hodc y=x-3. B. y=—x+3 hodc y=x+1.
C.y=—x-3 hodc y=x-1. D. y=—x-1 hodc y=x+3.
2x+1

Choham sd y = 6 dd thi (C) . Goi d 1a tiép tuyén cia (C), biét d di qua diém A(4;-1).

x p—
Goi M la tiép diém cua d va (C) , toa d0 diéfm M la

A. M(2;5), M(0;-1).  B. M(2;5), M(-2;1). C. M(0;-1), M(-2;1). D. M(—l;%],M(—Z;l).

x+2
x+1
khoang cach tir giao diém cua hai tiém can dén no la 16n nhat, ¢ phuwong trinh
A. y=-x+2 hodc y=—x-2. B. y=—x+2 hoac y=-x-1.

Cho ham s6 y = 6 d6 thi (C). Trong tat ca cac ti€p tuyén ctia (C), ti€p tuyén thoa man

C.y=x+2 hodac y=x-2. D. y=-x+1 hodac y=-x-1.
Tur diém A@ ;oj ké dén db thi ham s8 y = gx3 " mx—%m hai tiép tuyén vudng géc nhau thi
tap tat ca cac gia tri cia m béng

A.m=% hoac m=2. B.mz—% hoac m=-2.
1, . 1, o
C.m:E hoac m=-2. D.m:—E hoac m=2.

Cho ham s6 y = z—f c6 do thi (C). Tiép tuyén cta (C) tai diém c6 hoanh do bang 2 di qua
M(O;a) thi a b.%mg

A. a=10. B. a=9. C.a=3. D.a=1.

Cho ham s y =x* —2m’x* + 2m+1 ¢4 d6 thi (C). T4t ca cac gia tri ciia tham s m dé€ tiép tuyén
cua (C) tai giao diém cua (C) va duodng thang d:x=1 song song véi duong thang
Ary=-12x+4la

A.m=0. B. m=1. C. m=%2. D. m=3.

Cho ham s§ y=x"+x+2 ¢ do thi (C). D& dudng thang d:y=4x+m ti€p xtc véi (C) thi tap
tat ca cac gia tri cua m la

A.m=0vam=4. B.m=1vam=2.

C.m=3. D. Khong co gia tri caa m.

Cho ham s§ y=x*"—(3m+5)x*+4 c6 do thi la (C,). P& (C,) tiép xuc véi dudong thang
y=-6x-3 tai diém c6 hoanh do bang -1 thi gid tri thich hop cta m 1a

A . m=-1. B. m=-2. C.m=2. D. Khong co gia tri m.

Cho ham s8 y=""~ 6 db thi la (C). Tai diém M(-2~4) thudc (C), tiép tuyén cta (C)
X +

song song v&i duong thang d:7x—y+5=0. Khi d6 biéu thiic lién hé gitta a va b la

A. b-2a=0. B. a-2b=0. C. b-3a=0. D. a-3b=0.
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x+b

Cau 137: Cho ham sd y = c6 do thila (C). Biétrdng a va b 1a cac gid tri thoa man tiép tuyén cua

ax—2
(C) tai diém M(1;-2) song song v6i duwong thang d:3x+y—-4=0.Khi d6 gid tri cia a+b bang
A 2. B. 1. C. -1. D. 0.

C4u 138: Cho ham s& y=;x+l; c6 db thi 1a (C). Néu (C) di qua A(1;1) va tai diém B trén (C) co

x+

hoanh d6 bang -2, tiép tuyén cta (C) c6 hé s géc k=5 thi cac gid tri ctia a va b la
A.a=2;b=3. B.a=3;b=2. C.a=2,b=-3. D.a=3b=-2.

+b

X
x—1

a

Cau 139: Cho ham s6 y= co do thi la (C) . Néu (C) di qua A(3;1) va tiép xuc voi duong théng
d:y=2x—4, thi cac cdp s6 (a;b) theo thit ty 1a

A. (2;4) hodc (10;28). B. (2;-4) hodc (10;-28).

C. (-2;4) hodc (-10;28). D. (-2;-4) hodc (-10;-28).

ax* —bx

Ciu 140: Chohams6 y=

x—2

c6 do thila (C). D& (C) qua diém A(—l;%j va tiép tuyén cua (C) tai
goc toa do co hé so goc b:;“mg -3 thi mdi lién hé gitra a va b la
A. 4a-b=1. B.a-4b=1. C. 4a-b=0. D. a-4b=0.

Cau141: Cho ham s§ y =" ~+* c6 dd thi (C). C6 bao nhiéu diém A thoc (C) sao cho tiép tuyén
cta (C) tai A cdt dd thi (C) tai hai diém phén biét M(x,;y,), N(x,;y,) (M, N khac A) sao

cho y, -y, =8(x, - x,).
A 2. B. 1. C. 3. D. 0.

Céu 142: Choham s y= — +12 6 do thi (C) vadiém A(a;1). Goi S 1a tap hop tat ca cac gia tri thuc ctia a
x —

dé c6 diing mot tiép tuyén tir (C) di qua A.Tong tAt ca gia tri cia phén tir S bang

A1, B.2. c 2. D. 1.
o 2 2 2
IV-DE TONG ON TAP
Pk SO 1
Cau 1: Choham sd y:x—_i.Phucmg trinh tiép tuyén ctia d6 thi ham s6 tai di€ém M(1;0) la
X+
1 3 1 1 1 1 1 1
A y=-x-2>. B.y——x-=. C.y=—x+-. D. y=-x——.
y2x2 y2x2 y2x2 y4x2

Ciu 2: Cho ham s8 y=x>+3x c6 d6 thi (C) Hé s6 gbéc k cta tiép tuyén voi do thi (C) tai diém co
tung do bang 4 1a
A. k=0. B. k=-2. C. k=6. D. k=9.

Cau 3: Cho ham s8 y:%xS’ +x°=2x+1 c6 d6 thi la (C). Phuong trinh tiép tuyén cua (C) tai diém

M[l;lJ 1a
3
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

A y=3x-2. B. y=-3x+2. C.yzx—% D.yz—x+§.

Phuong trinh tiép tuyén ctia d6 thi (H):y = 2x _34 tai giao diém cta (H) va Ox la

A. y=2x. B. y=-2x+4. C. y=-2x-4 D. y=2x-4.
Cho ham s6 y=+/x* —2x+4 6 db thi (C). Phuong trinh tiép tuyén ctia (C) tai diém c6 hoanh
ddé x=0 la

A y=4x+3. B.yz%x+2. C.y=—%x+2. D.yz—%x—z.

Cho ham s8 y =x’ —x -1 ¢6 d0 thi (C). Phuong trinh ti€p tuyén ctia (C) tai giao diém cua (C)
voi truc tung la

A y=2x-1. B.y=—x-1. C.y=2x+2. D.y=-x+1.

C6 bao nhiéu tiép tuyén ctia d6 thi ham s§ y=x>-3x+2 song song véi duong thang
9x-y-14=07

A. 0. B. 1. C. 3. D. 2.

Puong thang nao sau day 1a tiép tuyén ctia d6 thi ham s& y=x* —3x+2?

A y=9x-12. B. y=9x-14. C. y=9x-13. D. y=9x-11.

Cho ham s6 y = %xs +3x” =2 ¢6 d0 thi 1a (C). Phuong trinh tiép tuyén voi do thi (C) biét tiép
tuyén c6 hé s6 goc k=-9 la

A y+16=-9(x+3). B.y=-9(x+3). C.y-16=-9(x-3). D.y-16=-9(x+3).
Choham s y = f(x) 6 do thi nhw hinh vé

| B

D06 thi ham s6 da cho cd bao nhiéu tiép tuyén vudng goc vai truc Oy ?

A. 3. B. 0. C. 2. D. 1.

Cho ham s8 y=-x+3x"+9x—1 ¢ d0 thi (C). Hé s8 gdc 16n nhét cua ti€p tuyén voi do thi
(C) bang

A1l B. 6 C. 12 D. 9

« A7 A 7. AV . \ A 1 . « A2 «A? 2 A . J AN « 2
Tiép tuyén v6i d6 thi ham s8 y :_ZX4 +2x%* +3 tai diém cuc tiéu ctia d6 thi cat d6 thi o A,B
khéc tiép diém. Do dai doan thang AB bang
A. 2. B. 2. C. 242. D. 442.
Cho ham s6 y=4x+2cos2x c6 d6 thi la (C ) . Hoanh d0 cta cac diém trén (C ) ma tai do tiép

tuyén ctia (C) song song hodc trung véi truc hoanh la
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A.x=%+k7z(keZ). B.x="+ka(keZ). C x=r+ka(keZ). D.x=k2z(keZ).

_ax+b

Cau 14: Cho ham so yzf(x)— d,(a,b,c,deR;c;tO,d;tO) c6 do thi (C) D6 thi cia ham s& yzf’(x)

Cau

Cau

Cau

Cau

Cau

15:

16:

17:

18:

19:

cx +
nhu hinh vé dwéi day. Biét (C ) cat truc tung tai diém c6 tung d6 bang 2.

i

-1 |

Phurong trinh ti€p tuyén cua (C) tai giao diém cua (C) v6i truc hoanh la

A. x-3y+2=0. B. x+3y-2=0. C. x+3y+2=0. D. x-3y-2=0.

Cho ham s6 y :x_+1 (C) Diém M thudc (C ) c6 hoanh d6 16n hon1 , ti€p tuyén cua (C ) tai
x p—

M cit hai tiém can cta (C ) lan ot tai A, B. Dién tich nho nhat ctia tam gidc OAB bang

A 44242, B. 4. C. 42. D. 4442
Cho ham s6 y :;x—? (C), y=x+m (d).VSimoi m duong thang (d) ludn cat d6 thi (C) tai hai
x p—

hai diém phéan biét A va B. Goi k1, k2 lan lwot la hé sd goc cua cac tiép tuyén véi (C) tai A va B.
Gid tri nho nhat ctia T =k +k*® bang

Al B.2. cl D. 2.
2 3
Cho ham s6 y= x+i do thi (C ) . Goi d la khoang cach tir giao diém hai tiém can ctia d6 thi
X+

(C ) dén mot tiép tuyén cta (C ) . Gia tri 16n nhat ctia d c6 thé dat dwoc la
A. 33, B. 3. C. V2. D. 242.
Cho ham s6 y=x’+1 c6 d6 thi (C). Trén duong thang d:y=x+1 tim dugc hai diém

M, (xl;yl), M, (xz;yz) ma tir mdi diém d6 ké duwoc dung hai tiép tuyén dén (C ) . Gia tri biéu
. 3 1.
thiee S= g(%z +Y2 +Y,Y, ) *3 bang

A 1B B. 2L c D. 2.

15 15 15 15
Cho ham da thitc bac bon y = f(x) 6 d6 thi (C). Ham s8 y = f'(x) c6 d6 thi nhw hinh vé dudi
day. Goi dudng thing A 1a tiép tuyén ctia d6 thi (C) tai diém c6 hoanh d¢ bang 1. Hoi A va

(C) c6 bao nhiéu di€m chung?
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Cau

20:

X

A 2. B. 3. C. 1. D. 4.
Phuong trinh tiép tuyén ctia d6 thi ham s6y = f(x) thoa man f*(1+2x)=x- f°(1-x) tai diém

cé hoanh d¢ x=1 la

1 6 1 6 1 6 1 6
A.yz—;x—;. B.y:—;x+;. C.y:;x—;. D.y=;x+;.
HET
A e
DE SO 2

Toa d0 diéfm M c6 hoanh dd 4m trén do thi (C):yz%x3 —x+§ sao cho tiép tuyén tai M

vudng gdc véi duong thang y = —%x +§ la

A M(-2; -4). B. M[—l;%]. C. M[Z;%j. D. M(-2;0).

A A r 2 « A ~ 2 A . \ A 3_4x N « A 7 N 7 N
Heé s6 goc cua tiép tuyén ctia do thi ham s6 y = tai diém co tung do y = Y bang
A2, B.-2. 2. D. -10.

5 9 9

Tap hop tdt ca cac gia tri cia tham s6 m d€ moi tiép tuyén ctia d6 thi ham so
y=x"—mx’ +(2m—-3)x -1 déu c6 hé s6 goc dwong la

A. R\{0}. B. (1;+). C. R\{1}. D.@.

Hoi trén d6 thi (C):y = ad _; c6 bao nhiéu diém M ma tiép tuyén véi (C) tai M song song véi
x f—

duong thang d:x—y=1?

A. 4. B. 1. C. 2. D. 0.

Goi d la ti€p tuyén tai di€m cuc dai ctia d6 thi ham s6 y=x"-3x-2. Khéng dinh nao sau day

dung?

A. d c6 hé sd goc am. B. d c6 hé s6 goc duong.

C. d song song v6i duong thang y =—4. D. d song song vdi truc Ox .

Goi M,N la hai diém di dong trén dd thi (C) ctia ham s6 y=-x’+3x> —x+4 sao cho tiép
tuyén cua (C) tai M va N ludn song song véi nhau. Hoi khi M, N thay d6i, duong thing
MN ludn di qua nao trong cac diém co toa d6 duwdi day?

A. (-1,-5). B. (1,-5). C. Q(15). D. P(-1;5).

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 41



Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau

Cau

Cau

Cau

Cau

Cau

Cau

Cau

Cau

7:

8:

9:

10:

11:

12:

13:

14:

15:

2 . A AVN . 2 ~ 2 - 1 7 A v A A A 7 /&
Hoi trén d6 thi ham s6 y = ad > © bao nhiéu cap ti€p tuyén vudng goc véi nhau?
X+

A 1. B. V0 s6. C. 0. D. 2.

x+b

Cho ham sd y= 5 (ab=-2). Biét rdng a, b la cc gi4 tri thoa man tiép tuyén cua do thi

ax —

ham s6 tai diém A(1;-2) song song vé6i dudong thang d:3x+y—-4=0. Khi d6, gia tri a—3b

bang

A 2. B. 4. C. 1. D.5.

Cho ham s6 y:x—g(C) va d:y=-2x+m-1 (m la tham s6 thuc). Goi k,, k, la hé s6 goc ctua
X+

ti€p tuyén ctia (C) tai giao diém cua d va (C) . Gid tri k, k, bing

A.i. B. 2. C. 3. D. 4.

Cho ham s6 y=x>+3x>+3x+5 ¢4 d6 thi (C) C6 bao nhiéu gia tri nguyén cua k trén
[2019;2019 | d& trén d thi (C) c6 it nhat mot di€m ma tiép tuyén tai d6 vudng goc voi dudng
thang (d):y=(k-3)x?

A. 2021 . B. 2017 . C. 2022 . D. 2016 .

X2 =2mx+m

Cé bao nhiéu gia tri cua tham sd thuc m dé€ d6 thi ham s6 y = cit truc Ox tai hai

xX+m
diém phan biét va cac tiép tuyén cua do6 thi tai hai diém d6 vudng gdc véi nhau?
A.5 B. 2 C.o0 D.1

Cho ham s8 y=x"-3x*+2 ¢4 d6 thi (C) va diém M(m; —2). Goi S 1a tap hop tat ca cac gia tri

thye ctia m d€ qua M ké ding hai tiép tuyén dén (C). Tong tat ca cac phan tir ctia S béng
AL B. 3. c D. 2.

3 3
Cho ham s8 y=—=—, c6 &b thi (O) va diém M(x,;,)e(C) (voi x, #0). Biét riing khoang cach

tir 1(-2;2) dén tiép tuyén ctia (C) tai M la 16n nhat, dang thitc nao sau day ding?

A 2x,+y,=0. B. 2x, +y,=—4. C. 2x,+y,=2. D. 2x,+y,=-2.

Goi d:y=ax+Db, (a, be R) la ti€p tuyén cua d6 thi ham s6 y = 2x+23' Biét d cit truc hoanh va
X+

truc tung lan lwot tai hai diém A, B sao cho AOAB can tai O.Khi d6, a+b béng

A. 1. B. 0. C. 2. D. 3.

Cho ham 5§ y ="~ +2 (C). Xét hai diém A(a;y,) va B(b;y,) phan bi¢t ctia d th (C)
ma tiép tuyén tai A va B song song. Biét rang duong thang AB di qua D(5;3). Phuong trinh

ctia duwong thang AB la
A x-y-2=0. B. x+y-8=0. C. x-3y+4=0. D. x-2y+1=0.
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Cau 16: Choham sy =x"—(m+1)x’ +x+2m+1 c6 d6 thi (C) (m la tham s thyc). Goi m,,m,la cac gia
tri ctia m d€ duong thing d:y=x+m+1 cit (C) tai ba diém phan biét A,B,C sao cho tong hé
s8 goc ctia cac tiép tuyén véi (C) tai A,B,C bang 19. Khi d6 m, +m, bang
A. 4. B.2 C.0. D. 2.

Cau 17: Goi S la tap hop tat ca cac gia tri tham sdm dé€ d6 thi ham s6 f(x)=x’ —3mx® + 3mx +m* —2m’
tiép xtic véi truc hoanh. Téng cac phan tit ctia S bang

A 0. B. 1. e 2 D+
3 3

Cau 18: Cho ham s6 bac bén y = f(x) xac dinh va lién tyc trén R, ham s6 g(x)=2x*-3 va duong
thdng d c6 do thi nhu hinh vé dudi day.

2’ glx) I ()

Biét A la di€m chung cta d6 thi f(x) va g(x), x, =1. Diém B thudc do thi g(x), x, =—Z va
d 1a tiép tuyén ctia d6 thi ham s8 y = f(x). Gid tri f'(x,) bang

A. 1. B. 3 c. 2. D. 2.
2 2

Cau 19: Goi A la diém cé hoanh do6 bang 1 thudc do thi (C ) cua ham s6 y=x*—2mx* + m(m la tham

a ‘e

s8 thurc). Ta ludn fim duge m=2 véi = Ia phén s t6i gian dé tiép tuyén A véi do thi (C) tai

< |

A cdt duong tron (y):x* +y° -2y -3=0 tao thanh mét day cung c6 do dai nho nhat. Khi do,
tdng a+b bang
A.12. B. 3. C. 29. D. 10.
Cau 20: Cho ham sd y =%x4 —3x* ¢6 d6 thi (C). Cé bao nhiéu diém A thudc (C)sao cho tiép tyén cua
(C)tai A cat (C) tai hai diém phan biét M(xl;yl), N(xz;yz) (M,N khac A) thoa man
Y=Y :5(x1 _xz)
A. 1. B. 2. C.0. D. 3.
HET
PE SO 1
BANG PAP AN TRAC NGHIEM DE 1

Cau | 1| 2 | 3 | 4 | 5 | 6 | 7 | 8 | 9 | 10 |
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Pipdn | B C C B C B B B D C
Cau 11 12 13 14 15 16 17 18 19 20
Dadp dn C D A D A B C B B A

LOI GIAI CHI TIET

Cau 1: Chohamsg y= x1 Phurong trinh ti€p tuyén ctia d6 thi ham s6 tai diém M(1;0) la

x+1

1 3 1 1 1 1 1 1

A y=—x—— B.y=—x—= Cy==x+= D.y=—x-—=
y 2 2 Y 2 2 Y 2 2 y
Loi gidi:
Taco y' = 2 2:>y'(1)=1
x+1) 2

Phuong trinh tiép tuyén ctia do thi ham s& tai diém M(1;0) la y = %(x ~1)+0 = y= %x —%.

= Chon ddp dn B.
Cau 2: Cho ham s6 y=x"+3x co d6 thi (C) Hé s8 gbéc k cta tiép tuyén voi do thi (C) tai diém co

tung do béng 4 la
A. k=0 B. k=-2 C. k=6 D. k=9
Loi giai:
Ta c6 hoanh d tiép diém cua tiép tuyén la nghiém cua phuong trinh x° +3x=4 < x=1
Ta cé y'=3x" +3. Hé s§ goc cua ti€p tuyén la k=y'(1)=6.
= Chon dap an C.
Cau 3: Cho ham s6 y=%x3 +x° =2x+1 c6 d6 thi la (C). Phuong trinh tiép tuyén cua (C) tai diém

M[l;lj Ia
3
2 2
A y=3x-2. B. y=-3x+2. C.yzx—g. D.yz—x+§
Loi gidi:
Taco: y' =x"+2x-2=y'(1)=1+2-2=1
Phuong trinh tiép tuyén ctia (C) tai diém M(l;%j la: y—%:y’(l)(x—l)cy:x—%
= Chon ddp dn C.

Cau 4: Phuong trinh tiép tuyén cta d6 thi (H): y = 2x 34 tai giao diém cta (H) va Ox la

A. y=2x. B. y=-2x+4. C. y=-2x-4 D. y=2x-4.
Loi gidi:

=2x_34:>y=0<:>x=2:>M(2;0) nén giao diém cua (H) va Ox 1a M(2;0).
y' = -2 ~ Vx#3 nén hé s6 goc tiép tuyén la y'(2)=-2.

(x-3)
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Vay phuong trinh tiép tuyén ctia do thi (H) tai giao diém ctia (H) va Ox la
y=-2(x-2)+0=-2x+4.
= Chon ddp dn B.
Cau 5: Choham s6 y=+x*—2x+4 c6 do thi (C). Phuong trinh tiép tuyén ctia (C) tai diém c6 hoanh
do x=0 la
A y=4x+3. B.y=%x+2. C.y=—%x+2. D.y=—x-2.
Loi giai:
Ta cé y’:x—_l; y’(O)z—l; y(0)=2.
Va® —2x+4 2
Suy ra phuong trinh tiép tuyén tai di€ém c6 hoanh d§ x=0 la y=y'(0)(x-0)+2<y= —%x +2.
= Chon dap dn C.
Cau 6: Choham s y=x"-x-1 c6 do thi (C). Phuong trinh tiép tuyén cua (C) tai giao diém ctia (C)
voi truc tung la
A y=2x-1. B.y=—x-1. C.y=2x+2. D.y=-x+1.
Loi giai:
Goi M la giao diém cta (C ) va truc tung. Khi d6 M (0;—1).
Ta cd y'=3x" 1.
Phuong trinh tiép tuyén ctia (C) tai M 1a: y=y'(x,,).(x —x, )+, =¥'(0).(x-0)-1=—x-1.
= Chon dap an B.
Cau 7: Cé bao nhiéu tiép tuyén cta d6 thi ham s§ y=x"-3x+2 song song véi duong thang
9x-y-14=07?
A. 0. B. 1. C. 3. D. 2.
Loi giai:
Goi (C) la d6 thi cia ham s6y =x> —=3x+2. Tap xac dinh: D= .
Daoham: y'=3x*-3.Goi d:9x-y-14=0=d:y=9x-14. Goi A 1a tiép tuyén can tim.
A/l d:y=9x-14=Phuong trinh A c6 dang y="9x+m, (m=-14).
x°=3x+2=9x+m

A tiép xtc (C
i&p xtc (C) ©{3x2—3=9

(*) c6 nghiém
x=2=m=-14(1)

X —=3x+2=9x+m
=
L=—2:>m=18(n)

(*) Sl x=2
x=-2
Suy ra phuong trinh tiép tuyén can timla A:y=9x+18.

Vay c6 1 tiép tuyén thoa yéu cau bai toan.

= Chon ddp dn B.
Cau 8 Puong thing nao sau day la tiép tuyén ctia d6 thi ham s8 y=x> —3x +2?
A y=9x-12. B. y=9x-14. C.y=9x-13. D. y=9x-11.
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Cau 9:

Cau 10:

Cau 11:

Loi giai:

y=x"-3x+2 =y =3x"-3.

Goi d la tiép tuyén ctia d6 thi ham s6 tai diém M (x0 ;yo) .

Heé s8 goc tiép tuyén bang 9= f'(x,)=3x; -3=9 = =22y, =0=4, :y=9x+18.
X,=2=Yy,=4=d,:y=9x-14

Vay duong thang y=9x —14 1a tiép tuyén ctia d6 thi ham s6 y=x* —3x +2.

= Chon dap dn B.

Cho ham s0 y = %xS +3x% -2 ¢6 d6 thi la (C). Phuong trinh ti€p tuyén véi do6 thi (C) biét tiép

tuyén c6 hé s6 goc k=-9 la

A y+16=-9(x+3). B.y=-9(x+3). C.y-16=-9(x-3). D.y-16=-9(x+3).

Loi giai:

Tacéd: y'=x"+6x.

Goi M(x,; y,) 1a ti€p diém cua tiép tuyén véi (C).

Ta c6 hé s§ goc cua ti€p tuyén la y'(x,)=-9 < x; +6x,=-9 < x; +6x,+9=0 < x, =-3.

Véi x, =-3= M(-3; 16).

Suy ra phuong trinh tiép tuyén véi do thi (C) tai M(—3; 16) c6dang: y-16= —9(x + 3) )

= Chon dap an D.

Cho ham s6 y = f(x) c6 d6 thi nhu hinh vé

! B

-

D06 thi ham s6 da cho c6 bao nhiéu tiép tuyén vudng goc véi truc Oy?

A. 3. B. 0. C. 2. D. 1.

Loi giai:

Tt d6 thi ta ¢ hai ti€p tuyén vudng goc véi truc Oy 1la y=-Ly=-2.

= Chon dap an C.

Cho ham s8 y=-x+3x"+9x-1 ¢ d6 thi (C). Hé s gdc 16n nhét cua ti€p tuyén voi do thi
(C) bang

A. 1l B. 6 C. 12 D. 9

Loi gidi:

Taco y'=-3x>+6x+9; y'=-3(x~1) +12<12
Vay hé s8 goc 16n nhéat cua tiép tuyén véi do thi (C) 1a 12.
= Chon dap an C.
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Cau 12:

Cau 13:

Cau 14:

o A A 7. A . \ A 1 . « A2 « A2 2 AV . g A .« 2
Tiép tuyén voi do thi ham s6 y =—Zx4 +2x* +3 tai diém cuc tiéu ctia d6 thi cat d6 thi & A,B

khéc tiép diém. Do dai doan thang AB béng
A 2. B.\2. C.2\2. D. 42.
Loi giai:
x=0
Tacod: vy =—x>+4x;1y' =0 <= .
SRy x=42

BBT:

x | -2 0 2 sor

-
)

Tt BBT suy ra diém cuc tiéu cua d6 thi ham sd1a M (0;3) .
Tiép tuyén ctia d9 thi tai diém cuc tidu 1a duong thang y=3.
Phuong trinh hoanh d¢ giao diém ctia d6 thi va ti€p tuyén la:

- A(—Z\/E;?));B(Z\/E;?,): AB=42 .

x=0
—1x4+2x2+3=3<:>—1x4+2x2:0<:>
4 4 x=i2\/§

= Chon dap an D.
Cho ham s6 y=4x+2cos2x c6 d6 thi la (C ) . Hoanh d0 cta cac diém trén (C ) ma tai do tiép
tuyén ctia (C) song song hodc trung véi truc hoanh la
Ax=Trkn(keZ). B.x="+kr(keZ). C.x=m+kr(keZ). D.x=k2r(keZ).
Loi gidi:
Tacod y'=4—-4sin2x.
Khi d6, hoanh d6 ctia cac diém trén (C) ma tai d6 ti€p tuyén cua (C) song song hodc tring
vodi truc hoanh la nghiém ctia phuong trinh:
yY'=04-4sin2x=0 <:>sin2x=1<:>2x=§+k27z<:>x=%+k7z(keZ).

= Chon dap an A.

Cho ham 5 y = £(x) = 220 (a,b,c,d € Ric #0,d #0) 6 0 thi (C). D thi cia ham 56 y = £'(x)
cxX

nhu hinh vé dwéi day. Biét (C ) cét truc tung tai diém cé tung do bgmg 2.
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-1 |

Phuong trinh tiép tuyén cta (C) tai giao diém ctia (C) v&i truc hoanh la

A. x-3y+2=0. B. x+3y-2=0. C. x+3y+2=0. D. x-3y—-2=0.
Loi giai:
D6 thi ham s y = f(x) di qua (0;-2) suy ra b=-2d.
Ta cb y'=LbC2. D6 thi ham s6 y' ¢6 tiém can dung x=-1nén c=d, di qua (0;3) nén
(cx+d)
3= ad — bchya d. Dodoy——2:>y'= 3 >
+1 (x+1)

Phuong trinh tiép tuyén tai (2;0) la y =%(x—2) <3x-y-2=0.
= Chon dap an D.

x+1 (

Cau 15: Cho ham s6 Y= C).Diém M thudc (C) c6 hoanh d6 1én hon1 , ti€p tuyén cua (C) tai

M cat hai tiém can cua (C ) lan lwot tai A, B. Dién tich nho nhat ctia tam giac OAB bang
4.

A 44242, B. C. 42. D. 4+42.
Loi gidi:
Tap xac dinh: Dz]R\{l}.
Taco: y'=- 2 =, Vx=1.
(x-1)
D6 thi ham s6 ¢6 duong tiém can ngang y =1 va duong tiém can dung x=1.
cr m+1 2 , 2
Gia s M(m;yM)e(C) (m>1) =Yy zm—1:1+m—1 ; y(m)z—(m_l)2 .

Phuong trinh tiép tuyén A la: y=-

(m—l)z (x—m)+1+ —
<:>2x+(m—1)2y—m2 -2m+1=0.
Goi A la giao diém cta A va duong tiém can ngang. Toa dd diém A la nghiém cua hé
y=1
phuong trinh: y= 2

(x—m)+14 2 Dx=2m-1 = A(2m-1;1).

(m—l) m—1
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Goi B la giao diém cua A va duong tiém can dung. Toa d0 diém B la nghiém ctia hé phuwong

x=1
N ) _m+3 _ 4 ] 4
trinh: y=— (x m)+1+ =y — 1+m—1 :>B(1,1+ — |
m m—1
4 Y > 16 2 :
Suy ra: AB=/(2- 2m = [4(m-1) + = m-1) +4.
S R et T
—m? —2m+1 -m* -2m+1
d(O;A):M:SAOAB=1d(O;A).AB=1.‘m n ‘ 2 (m-1) +4
4+(m-1)" 2 2 v (m-1)* Im=1)
:‘—m2—2m+1‘:m2+2m_1 (vim>1)
|m—1| m—1
=m+3+ =4+m-1+ .
m—1 m—1

Ap dung bat déng thirc Co-si cho hais§ m -1 va

2 41042,
m-—1

m —

©4+(m—1)+

Vay dién tich nho nhat ctia tam giac OAB bang 4 + 242 khi {"" 1= m-1em=1++2.
m>1
= Chon dap an A.

Cau 16: Chohamsé y= ;x+ ! ), y=x+m (d).Véimoi m dwong thing (d) ludn cat d6 thi (C) tai hai
x f—

hai diém phéan biét A va B. Goi k1, k2 lan lwot la hé sd goc cua cac tiép tuyén véi (C) tai A va B.
Gid tri nho nhat ctia T = k™ + k2 bang

A1 B. 2. c 2. D. 2.
2 3
Loi gidi:
" 2x* +2mx-m-1=0
+ Phuong trinh hoanh d¢ giao diém: =x+me 1 *)
2x -1 X # E

+ Phuong trinh (*) cé: A'=m? +2(m+1)>0, ¥vm nén (d) luon cat ( C) tai 2 diém phan biét A,B.

a+b=-m

Goi 4, b 14 cac hoanh db giao diem [a £ %J . Khi d6 ta c6: mel-
2
1 1 2
+Khi d6: T=k + 2% = >
2a—1)  26-1)™  [2a—1)2b-1)]"™
2 2

) [4ab—-2(a+b)+1]"  [2(m+1)+2m+1]"" )
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(Za _ 1)2020 — (zb _ 1)2020
+ Nhéan xét: Gia tri nho nhat bang 2 khi: ) 1 Sa+b=l=—meom=-1.
a#zb#—
2
= Chon ddp dn B.
x+2

x+1
(C) dén mot tiép tuyén cua (C). Gid tri 1on nhat ctia d 6 thé dat duoc la

A. 33, B. 3. C. 2. D. 242
Loi giai:
Tiém can ding d,: x+1=0, tiém can ngangd,: y—1=0 = tam d6i xing la I(—l;l) .

Cau 17: Cho ham s6 y= do thi (C ) . Goi d la khoang cach tir giao diém hai tiém can ctia d6 thi

N N g a+2 N -1 a+2
Phuwong trinh ti€p tuyeén tai diem M u;a+1]e(C) la: y= (x—a)+ 1 (d) .

-1 a+2
‘ (—1—a)+ 1
1 a
Khi &6 d(1,d)= (o+1) _ _ 2

1 1 2 1 2
+1 +1 +1) +
(a+1) \/(mf \/(” ) ey
= Chon dap an C.

Cau 18: Cho ham s§ y=x>+1 c6 d6 thi (C). Trén duong thing d:y=x+1 tim dwoc hai diém
M, (x,;y,), M,(x,;y,) ma tir mdi diém d6 ké dwoc dung hai tiép tuyén dén (C). Gid tri biéu

2

. 3 1.y
thac S =g(y12 +ys +y1y2)+§ bang

A 1B S c. 14 D. 2.
15 15 15 15
Loi giai:

Gia st Med:y=x+1, ta goi M(s;a+1). Duong thang A di qua M(a;a+1)cd hé s goc k cb
phuwong trinh la:y =k(x —a)+a+1.
Duong thang Atiép xtc véi (C) khi va chi khi hé phuong trinh sau c6 nghiém:
{x3+1=k(x—a)+a+1@{g(x)=2x3—3ax2+a=0 ()

3x* =k 3x* =k
Tir M ké duoc ding hai tiép tuyén dén (C) khi va chi khi phuong trinh (*) 6 hai nghiém
phéan biét < ham s§ y = g(x)=2x-3ax* +a ¢6 hai diém cyc trj x,, x, thoa man g(x,)=0 hodc

g(x2)=0 < ¢'(x)=6x* —6ax =0 cd hai nghiém phan biét x,, x, va g(x1)=0 hoac g(x2)=0.

=0
Xétg'(x)=036x2—6ax=0<:{x .
x=a
az0 a=0
, a=-1
Ta co: 1| g(0)=0<4|—a=0 c{ =
a=
¢(a)=0 —a’ +a=0
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3 A 3 1 3 1 41
Suy ra: M, (-1;0) va M,(1;2). Vay: Szg(ylz +y5 +y1y2)+§=g(0+22 +0.2)+§=E.
= Chon ddp dn B.
Cau 19: Cho ham da thirc bac bon y = f(x) c6 do6 thi (C). Ham s6 y = f'(x) c6 d6 thi nhu hinh vé dudi
day. Goi duong théng A 1a tiép tuyén cua do thi (C ) tai diém cé hoanh do b:;”mg 1. Hoi A va

(C) c6 bao nhiéu diém chung?

Ta ¢6 ti€p tuyén A cta (C) tai x=11a y=f'(1)(x-1)+ f(1).
Duya vao d6 thi ctia ham s§ f'(x), tacd f'(1)=0.Vay A:y=f(1).

Goi 4,, a, 1a hai nghiém con lai cua f ’(x) . Dya vao d06 thi ham s6 ta c6 bang bién thién:

£ =0 11 1 s 0

fix) t 0 - 0 + 0

flay) flas)

f(x) x/l \J l/ \ .

Duya vao bang bién thién ta c6 A:y = f(1) va (C) cd ba diém chung.

= Chon dap dn B.
Cau 20: Phuong trinh tiép tuyén ctia d6 thi ham s8y = f(x) thoa man f(1+2x)=x—f°(1-x) tai diém
co hoanh @06 x=1 la
1 6 1 6 1 6 1 6

A y=—=x—=. B.y=—=x+-=. Cy==x—=. D.y==x+—.
7 7x 7 Y 7x+7 Y 7x 7 4 7x+7
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Loi giai:
Ta co: f*(1+2x)=x-f*(1-x) ©.
Pao ham hai v& (*) ta dwoc: 4.f(1+2x).f/(1+2x)=1+3f*(1-x) f'(1-x) ¢

F--r ) i

i x=0 tr (*) va (%) tacohé - o |Lf(1)=-1(tm

Khi x=0 tir (*) va (**) ta co hé {4f(1).f,(1):1+3f2 )71 f,((l))_g(t )
7

Phuong trinh ti€p tuyén cta d6 thi ham s6 y = f (x) tai diém c6 hoanh d6 x =1 la:

y=f'(1)(x-1)+ f(1) hay y=—%x—§-

= Chon ddp dn A. A
PE SO 02
BANG DAP AN TRAC NGHIEM DE 02
Cau 1 2 3 4 5 6 7 8 9 10
Ddpdn | D C D D C C C A D C
Cau 11 12 13 14 15 16 17 18 19 20
Ddp dn D A B D D D C C C B

Cau 1: Toa d0 difm M 6 hoanh d0 4m trén do thi (C): y=%x3 —x+§ sao cho tiép tuyén tai M
vudng gdc véi duong thang y = —%x *3 la

A M(-2; -4). B. M[—l;%]. C. M(Z;éj. D. M(-2;0).
Loi giai:

Tacd: y'=x"-1 =y'(a)=a"-1. Gia st M(a;%cf—nw%j , (a<0)

Tiép tuyén tai M vuodng gdc véi duong thang y = —%x +§ nén ta co:
a=2

a=-2"

Vi M c6 hoanh d am nén ta chon a=-2. Suy ra M(—Z;O) .

y'(a)=3=d"-1=3 <:{

= Chon ddp dn D.
Cau 2: Heé s6 gdc cua tiép tuyén cua d6 thi ham s6 y = S-dx tai diém c6 tung d6 y = —g, bang
A2 B. -2, c 2 D. -10.
5 9 9
Loi giai:
Ta co: y:—Z:> 3o :—Z<:>x:—1.
3 x-2 3
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Cau 3:

Cau 4:

Cau 5:

Cau 6:

o | Ul

Tacéd: y' = - Véy hé s6 goc can tim la k=y'(-1)=
(¥-2)

= Chon dap dn C.

Tap hop tdt ca cac gia tri cia tham s6 m d€ moi ti€p tuyén ctia d6 thi ham s6

y=x"—mx’ +(2m—-3)x—1 déu c6 hé s6 géc duong la

A. R\ {0}. B. (1;+). C. R\{1}. D. 2.

Loi giai:

Vi hé s goc duong voi moi x nén ta xét:
, ) a=3>0 ) 2
y'=3¢-2mx42m=-3>0e1 o em —6m+9<0<(m—-3) <0=>med.

= Chon dap an D.

Hoi trén d6 thi (C):y = x—; c6 bao nhiéu diém M ma tiép tuyén véi (C) tai M song song véi

x_

duong thing d:x-y=1?

A. 4. B. 1. C. 2. D.o0.

Loi giai:

TXD: D=R\{2},y'=——— <0.

(x-2)’

Dé tiép tuyén voi (C) tai M song song v6i duong thang d:y=x-1 suy ra
-1
y= (x _ 2)2

Vay khong co tiép tuyén thoa man.
= Chon dap an D.
Goi d la ti€p tuyén tai di€ém cuc dai ctia d6 thi ham s6 y=x"-3x-2. Khéng dinh nao sau day

=1(VN).

dung?

A. d c6 hé sd goc am. B. d ¢6 hé s6 goc duong.

C. d song song vé6i duong thang y=—4. D. d song song vdi truc Ox .
Loi gidi:

Ta c6 d6 thi ham s8 y =x* —3x -2 nhén diém A(—l;O) lam diém cuc dai.
Ma y'(-1)=0.

Suy ra phuwong trinh dwong thang d: y=0.

Do d6 d song song véi duong thang y=—4.

= Chon dap dn C.

Goi M,N la hai di€ém di dong trén d6 thi (C) cia ham s6 y=-x"+3x>—x+4 sao cho tiép
tuyén cua (C) tai M va N ludn song song véi nhau. Hoi khi M, N thay d6i, duong thing
MN ludn di qua nao trong cac diém co toa do dwdi day?

A. (-1,-5). B. (1,-5). C. Q(15). D. P(-1;5).

Loi giai:
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Cau 7:

Cau 8:

Cau 9:

Vi tiép tuyén ctia d6 thi ham bac ba tai 2 diém M,N thudc d6 thi ham s6 song song v6i nhau
nén dudng thing MN phai di qua diéin udn cta (C).

Tacd y'=-3x>+6x-1, y"=—6x+6

Cho y"=0< —6x+6=0< x=1.Diém udn Q(1;5).

= Chon dap an C.

2. A AV . \ n 2X—1 7 oA v oA 4 A 4 /&
Hoi trén do6 thi ham s6 y = c6 bao nhiéu cap ti€p tuyén vudng goc voi nhau?

xX+2
A 1. B. V6 s6. C. 0. D. 2.
Loi giai:
TXD: D=R\{-2}. Ta c: y=2 o 0

x+2

Tiép tuyén (d,) chia d0 thi ham s& tai M(x,;y,) cd dang: y=y'(x,)(x—x,)+y,.

Tiép tuyén (d,) cua d6 thi ham s6 tai N(x,;y,) c6 dang: y=y'(x,)(x—x,)+y,.

g Ld, &y (x)y'(6)=—le—2——2 1o (x,+2) (x,+2) =25 (Vo ly).
(x,+2) (x,+2)

Vay khong co cdp tiép tuyén nao cua d6 thi vudng goc véi nhau.

= Chon dap an C.

N A + . A M \ 7 .7 . 2 ~ (PN A ” AN .
Cho ham s6 y = il 172, (ab#-2). Biét rang a, b la cac gia tri thoa man tiép tuyén cua do thi
ax —

ham s8 tai diém A(1;-2) song song véi duong thang d:3x+y-4=0. Khi d, gia tri a—3b

bang
A. 2. B. 4. C. -1. D. 5.
Loi giai:
C6 y'=—P"2 Do A(1;-2) thudc db thi ham s nén ~2 = 2 e p=3-24.
(ax—Z) a-2
Y A . & A ’ —Elb—z
Do tiép tuyén tai A(1;-2) song song v6i d:3x+y-4=0 nén y'(1)=-3 < =-3

Thay b=3-2a ta duoc phuong trinh —a(3-2a)-2=-3(a-2)" < 54* ~15a+10=0 & )
a=

+) Véi a=2=b=-1 (loai, do ab=-2)

+) V6i a=1=b=1. Phuong trinh tiép tuyén tai A(-1;2) la y=-3(x+1)+2 song song vdi d.

Vay a=1, b=1,suyra a-3b=-2.

= Chon dap dan A.

Cho ham s6 yzx—j(C) va d:y=-2x+m—-1 (m la tham s6 thuc). Goi k,, k, la hé s6 goc cta
X+

tiép tuyén cta (C) tai giao diém ctia d va (C) . Gid trj k, .k, béng

A.i. B. 2. C. 3. D. 4.

Loi giai:
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x+1
1).
x+2 @
f(x)=2x" —(m—6)x—2m+3=0
x#—2

Xét phuong trinh hoanh d¢ giao diém —2x+m—1=

Phuong trinh (1) c6 hai nghiém phan biét < { c6 hai nghiém
f(=2)#0

5 =omelR.
A=m"+4m+12>0

phan biét < {

Goi x,, x,1a hai nghiém ctua phuong trinh (1), khi d6

Heé s6 goc cua tiép tuyén cia (C) tai giao diém ctia d va (C)la

1 1 1 1

(1 +2) (5,42 [xx+20r, +x,)+4] {3—22;11 +2.m2—6 +4T

Taco k. .k, =

= Chon dap an D.
Cau 10: Cho ham s8 y=x"+3x>+3x+5 co d6 thi (C) . C6 bao nhiéu gid tri nguyén cua k trén
[-2019;2019 | dé trén d thi (C) c6 it nh&t mot diém ma tiép tuyén tai d6 vudng goc voi dudong
théng (d) Y= (k - 3)x?
A. 2021 . B. 2017 . C. 2022 . D. 2016 .
Loi giai:
Tacd: y'=3x>+6x+3 .
TH1: k=3 .Khi d6 (d):y=0 = khong ton tai tiép tuyén vudng goc voi (d).
TH2: k=3 .

, 1
Ta cd: (k-3)(3x; +6x,+3)=-1 < 3x; +6x0+3+ﬁ=0(*)

Theo yéu cau bai todn , phuong trinh (*) cé nghiém=A'>0< k__33 >0 k<3

Vay ke{-2019;-2018;..;0;1;2} = C6 2022 gia tri nguyén ctia k thoa deé bai.
= Chon ddp dn C.

X2 =2mx+m

Cau 11: CO bao nhiéu gia tri cua tham sd thue m d€ d6 thi ham s6 y = cit truc Ox tai hai

x+m
diém phan biét va cac ti€p tuyén ctaa do6 thi tai hai diém d6 vudng goc voi nhau?
A.5 B. 2 C.o0 D. 1
Loi giai:
x? —2mx+m 3m* +m , 3m* +m
y="—"—"——"——=x-3m+——=y'=1- ~.
xX+m xX+m ( X+ m)

Xét phwong trinh hoanh d¢ giao diém ctia d6 thi ham s6 da cho véi truc Ox .
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Cau 12:

2
X°=2mx+m 5
— =0 eflx)=x"-2mx+m=0 (*) (x=-m).

2 o () () (=-m)
Dé d6 thi ham s6 da cho cat truc Ox tai hai diém phan biét va cac ti€p tuyén tai hai diém d6

vuong goc voi nhau thi phuong trinh (*) phai c6 hai nghiém phan biét x;x, khac —m va
y’(x1 ).y'(x2 ) =-1.

m>1

{m<0

AN=m*-m>0 m=0

&4 f(-m)=3m*+m=0 & 1 & m=5.
m#—=
3m* +m 3m*>+m
y'(x)y'(x)=|1- 1- -1 |[m=0
' ’ (x,+ m)2 (x, + m)2 {m _s

= Chon dap an D.
Cho ham s8 y=x"-3x>+2 ¢4 d6 thi (C) va diém M(m; —2). Goi S 1a tap hop tat ca cac gia tri
thye ctia m d€ qua M ké dting hai ti€p tuyén dén (C). Tong tat ca cac phan tir cia S bing

A S B. 3. c. 2. D. 2.
3 3
Loi giai:

Ta cé: y' =3x> —6x
Phurong trinh ti€p tuyén tai A(x,;y,) c6 dang y= (3x§ -6x, )(x —x, )+ x5 —3x; +2
Tiép tuyén qua M(m;-2), ta cé: —2 = (Bxf) -6, )(m —x, )+ Xy =3x; +2
& =2x; +3x; (1+m)—6x,m+4=0 < (x,-2)(-2x; +(3m—1)x,-2)=0 (1)
x,-2=0
= —2x; +(3m—1)x,-2=0 (2)
Qua M ké dung hai tiép tuyén dén (C) khi phuwong trinh (1) c6 dung hai nghiém phén biét
< phuong trinh (2) c6 nghiém kép khac 2 hodc phuong trinh (2) c6 hai nghiém phan biét
trong d6 c6 mot nghiém bf?mg 2
Trwong hop 1: Phu%ong trlnh c6 nghiém kép khac 2.

A=0

< 3m—1¢2 =
4

II

m#3

Trudng hop 2: Phuong trinh (2) ¢4 hai nghiém phén biét trong d6 c6 mét nghiém bang 2.

A>0 m< 1hoalcm>E
< 3 om=2.
—2.4-2(3m—1)-

A 5
Vay S=4—;2;-1;.
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= Chon dap an A.

Cau 13:

Cau 14:

Cau 15:

Cho ham s8 y = 2_xz, c6 do6 thi (C) va diéem M (xo Yo ) € (C ) (v6i x, #0). Biét rang khoang cach
X+

tir I(-2;2) dén tiép tuyén ctia (C) tai M 1a 16n nhét, dang thitc nao sau day ding?

A. 2x,+y,=0. B. 2x,+y,=—4. C. 2x,+y,=2. D. 2x, +y,=-2.

Loi giai:

Tap xac dinh D=R\ {—2}.

2
y’:—4 =, M| x,; %o
(x+2) X, +2

2x,

Phuong trinh tiép tuyén taiM la y=———(x—x, )+ o dx—(x,+2) y+2x2 =0
8 ptuyéh tai MIa y = o (x=x, )+ =2 (% +2) y+2x;
Khoang cach tir I dén ti€p tuyén la
2
, 4(-2)—(x, +2) 2+2x; |-8x, ~16
J& +(x,+2) J& (%, +2)
] e ) . |8x,-16] 8|x, +2|
Ap dung bat dang thirc Cauchy, ta cé =22
\/4 x +2 \/8 x +2

=0

X
0 Vix, 20 nén x,=—4 =y, =4 =2x,+Y,=—

D&u bang xay ra khi (x, +2)* =4 <:{

= Chon dap an B.
Goi d:y=ax+b,(a,beR) la ti€p tuyén ctia d6 thi ham s6 y= 23. Biét d cat truc hoanh va
2x +
truc tung lan lwot tai hai diém A, B sao cho AOAB can tai O . Khi d6, a+b b:‘img
A. 1. B. 0. C. 2. D. -3.
Loi gidi:
TXD:DzR\{—g}. Ta co: y’:_—12<0,VxeD.
2 (2x+3)
Mit khac, AOAB can tai O = hé sd goc cta tiép tuyénla 1.
Goi toa do tiép diém (xO ;yo), vOi x, # —%. Ta co: y :_—2:—1<:> x,=—2vx,=-1.

(2x,+3)
+) Véi x, =-1= y, =1. Phuong trinh tiép tuyénla: y=—x loaivi A=B=0.
+) Véi x, =—2 =y, =0. Phuong trinh ti€p tuyén la: y=-x-2 théa man.
Vay d:y=—x-2=a=-1,b=-2=a+b=-3.
= Chon dap an D.
Cho ham 5§ y=2x" = +2 (C). Xét hai diém A(;y,) va B(b;y,) phan bi¢t ctia d thi (C)
ma tiép tuyén tai A va B song song. Biét rang duong thang AB di qua D(5;3). Phuong trinh

ctia duong thang AB la
A . x-y-2=0. B. x+y-8=0. C. x-3y+4=0. D. x-2y+1=0.
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Loi giai:

. ]- 3 3 2 N 1 3 3 2 s . \ . .« A? A - A A AN .
Goi A a;Ea —Ea +2|va B b;Eb _Eb +2 | v6i a#b lahai diém phan biét thudc do6 thi (C)
ma tiép tuyén tai A va B song song véi nhau.

Ta c6 f'(a)=f'(p) %az —3a=%b2—3b oa -0 =2(a-b) ca+b=2.

Goi I M;l(a3+b3)—§( 2+b2)+2 la trung di€ém ctia doan AB.
2 4 4

Véi a+b=2 taco 1(1;8_6”b—3(4_2”b)+2} hay 1(1;1).

4 4
Lai c6 E[b—a;%(b‘% —a“”)—%(bz —aZ)j cling phuong véi ;(2;(a2 +b? +ab)—3(a+b)).
Hay ;(2;—2 —ab) . Nén duong thang AB c6 mot véc to phap tuyén la ;1(2 +ab;2).
Suy ra phuong trinh duong thang AB 1a (2+ab)(x-1)+2(y-1)=0.
Do duong théng AB di qua D(5;3) nén 4(2+ab)+4=0 < 4ab+12=0<ab=-3.
Thay ab=-3 vao phuwong trinh AB ta dwoc: x-2y+1=0.

Ciich kiic: Db thi ham s3 y=—-x" = ~x* +2 (C) c6 diém udn la 1(1;1).
Do d6 dudng thang AB di qua D(5;3) va I(1;1) c6 phuong trinh 1a x—2y+1=0.

= Chon dap an D.

Cau 16: Choham sSy=x"—(m+1)x’* +x+2m+1 c6 d0 thi (C) (m la tham s& thuc). Goi m,,m,1a cac gia
tri ctia m d€ duong thang d:y=x+m+1 cit (C) tai ba diém phan biét A,B,C sao cho tong hé
s8 goc ctia cac tiép tuyén véi (C) tai A,B,C bang 19. Khi d6 m, +m, bing
A. —4. B.2. C.o0. D. 2.

Loi giai:
Phurong trinh hoanh d¢ giao diém cua d va (C ) :
y=x"—(m+1)x* +x+m=0<:>(x—1)(x2 —mx—m)=0<:>|:x2:_1 o
X' —mx—-m= O( )
D& dva (C) ct nhau tai ba diém phan biét thi (*) phai cé hai nghiém phan biét khac 1, ttic
A>0 1 1 s 3oy ¢ . . A Teia

{1 om0 Sme (—oo; —4) U [O;E] U(E;+OOJ . Khi do dva (C) cat nhau tai ba diém phan biét

A(L;m+2),B(x;x, +m+1),C(x,;x, + m+1) voi x,;x,1a nghiém ctia phuong trinh (*)

Heé s6 goc tiép tuyén cua (C) tai Ala: y'(1)=2-2m . Hé s8 goc ti€p tuyén ctia (C) tai Bla:

y'(x,)=3x7=2(m+1)x, +1.

Heé s6 gdc tiép tuyén cta (C) tai C la: y’(xz) =3x,” — Z(m + 1)x2 +1.

+x,)+4-2m=19.

1

Theo gia thiét, ta co: 3(x12 +x, ) —2(m+1)(x

< 3(x, +x2)2 —6x,x, —2(m+1)(x, +x,)+4-2m=19(**)
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X, =—Mm

X, +X,=m
{ 1 thay vao (**), ta dwoc 3m* +6m—2(m+1)m+4-2m=19 .

m,

m, =-b

om’+2m-15=0< —=m, +m,=-2.

= Chon dap an D.
Cau 17: Goi S la tap hop tat ca cac gia tri tham s6m d€ d6 thi ham s6 f(x)=x" —3mx® + 3mx +m* —2m’

ti€p xuc vdi truc hoanh. Tong cac phan t ctia S bang

A 0. B. 1. c 2 D 4.
3 3
Loi giai:
Tacd: y' =3x>—6mx+3m ; y"'=6x—6m
Cach 1:
TH1 : y' c6 nghiém kép va tam d6i xting cta d6 thi ham s6 thudc truc hoanh
) {m =0
m- —m=0 m=0
= s im=1 = .
{y(m) =0 {m =1

—4m’ +4m* =0
TH2 : D6 thi ham s6 y = f(x) €O 2 cyee tri vay Yo, =0

2 m*—m>0
m- —m>0

2 _m=2m @m:—l.
i 2(m—m2)(2rr1—\lmz—m)2(m—n12)(2m+\/mZ—m)=0<:> [\/%Zizm 3

Vay me 0;1;—1 , nén S=O+1—1=z.
3 3 3
Cach 2:
o, Y . x® =3mx® +3mx+m* —=2m*> =0 (1) ) N
D6 thihamsé y = f (x) tiép xdc truc hoanh < , c6 nghiém.
3x% —6mx +3m=0(2)
2 4 3 4 6
(2)<:>m= al .Thé'véo(l):x3— 3x + 3x I ~— 2x -=0.
2x -1 2x-1 2x-1 (2x—1) (2x—1)
1 x=0
X#— . 1
<> 2 < |x=1.Thay vao(1), ta duwoc me{o;l;——}.
X (~6x° +142% ~10x+2) =0 1 3
ng

= Chon dap dn C.
Cau 18: Cho ham s0 bac bon yzf(x) xac dinh va lién tuc trén R, ham so g(x)=2x2 -3 va duong

thang d c6 &6 thi nhu hinh vé dwéi day.

L6p Toan thay LE BA BAO TP Hué -S6 4 Kiét 116 Nguyén Lo Trach (TP Hué)_Trung tim BDKT Km10 Huong Tra 59



Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

glx) I i)

Biét A la diém chung ctia d6 thi f(x) va g(x), x, =1. Diém B thudc d6 thi g(x), x, =—Z va

d 1a tiép tuyén ctia d6 thi ham s§ y = f(x). Gid tri f'(x,) bang

A 1. B. 3, c. 2. D. 2.

2 2
Loi giai:

Vi cac diém A, B thudc d6 thi ham s6 g(x) nén ta c6 A(l;—l), B(—%;%J :E:(—%;%J.
Do d di qua hai difm A va B nén ta chon vecto phap tuyén 1a n, = (65;26).

Phuong trinh dudng thang d 1a: 65(x—1)+26(y +1)=0 < 65x+26y-39=0<y :—%x+§

Ma d la ti€p tuyén ctia d6 thi ham s y = f(x) nén f'(x, )= —3
= Chon dap an C.

Cau 19: Goi A la diém c6 hoanh d6 bang 1 thuoc do thi (C ) cua ham s6 y=x*—2mx* +m(m la tham
s8 thuc). Ta ludn fim duoc m =% véi % 12 phén s6 t6i gian d€ tiép tuyén A vdi db thi (C) tai

A cat duong tron (7) :x*+y* -2y —3=0 tao thanh mét day cung c6 d6 dai nhé nhat. Khi do,
tong a+b bang

A.12. B. 3. C. 29. D. 10.

Loi giai:

Puwong tron (;/):x2 +(y—1)2 =4 c6 tam 1(0;1), R=2.

Ta co A(l;l—m); y'=4x" —4mx = y’(l):4—4m suy ra A:y:(4—4m)(x—1)+1—m.

Dé thay A luon di qua diém cd dinh F [% ;OJ va diém F nam trong duong tron (7).

Giasit A cat (y) tai M, N, tacé: MN =2,[R* ~d*(;A) =2,/4—d*(L;A) .
Do d6 MN nho nhat< d(I;A) 16n nhdt< d(L;A)=IF = A LIF.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT Quéc gia

Cau 20:

Khi d6 duong thing A c6 mot véc-to chi phuong i L IF = (2;— 1] ; ii=(1; 4—4m) nén:

wn=0 < 1%—(4—4171):0 = m=§ suyra a=13, b=16.Vay a+b=13+16=29.

= Chon dap dn C.
Cho ham s y= %x‘* —3x? 6 d6 thi (C). Cé bao nhiéu diém A thuoc (C)sao cho tiép tyén cua

(C)tai A cdt (C) tai hai diém phan biét M(xl;yl), N(xz;yz) (M,N khac A) théa man

Y=Y :5(x1 _xz)

A 1. B. 2. C.0. D. 3.

Loi giai:

Ta co: y'=x" —6x. Goi A(x0 ;ixg‘ - 3x§j la toa d¢ tiép diém cua tiép tuyén tai A. Phuong trinh

tiép tuyén tai A 1a duong thang (d) c6 phuong trinh: y = (xg —6x, )(x —x, )+ %xé —3x;

Phuong trinh hoanh d¢ giao diém cua (d) va (C) la:
(xg —6x0)(x—x0)+%x§ —3x} =ix4 -3x? <:>(x—x0)2 (xz +2x,X + 3%, —12):0

x—x,=0
2=

x* +2x,x+3x,-12=0 (2)
(d) cat (C) tai hai diém phan biét khac A khi va chi chi phwong trinh (2) ¢6 hai nghiém phan
X, # iﬁ
fe<x, <6
Khi d6, phrong trinh (2) ¢6 hai nghiém phan biét x,,x, va (d) cat (C) tai hai diém phan
biét M(x,;y,) ,N(x,;y,) trong do:

biét khac x, <:{ (3)

1
e TR -en)-x)
1, . =Y, 0 o\t T
yz=(x§—6x0)(x2—xo)+zx0—3xo

Twr gia thiét ta suy ra: (x) —6x,)(x, —x,) =5(x, —x,) < x, —6x,=5 (Vi x, #x,)

x,=-1
~1-21
S| xy=———

2
N :—1+\/£

0 2
Két hop véi diéu kién (3) c6 hai gid tri x, thoa man yéu cau bai toan la x=-1; x= _1+T\/ﬁ
= Chon dap an B.

HET
Hué, ngay 07 thing 9 nim 2020
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