Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

BAI 2. GIOI HAN CUA HAM SO

A. TOM TAT LY THUYET

Pinh nghia 1 (Gi6i han cua ham s tai mot diém).

Gia str (a;b) 1a mot khoang chira diém X, va f la mot ham s6 xéac dinh trén tap hop
(a;b)\{x,}. Tandi rang ham s6 f c6 gisi han Ia sé thuc L khi x dan dén X, (hoic tai diém X,) néu
véi moi day sb (x,) trong tap hop (a;b)\{x,} ma limx, =X, ta déu c lim f (x,)=L.

Khi d6 ta viét lLrIlOf(x):L hodc f(x)—> L khi x—X,.

Pinh nghia 2 (Gigi han cua ham sé tai vo cuc).

Gia st ham so f xac dinh trén khoang (a;+). Ta ndi rang ham s6 f co gi¢i han la s6 thuc
L khi x dan t6i +oo néu voi moi ddy s6 (x,) trong khoang (a;+o0) ma limx, =+w ta déu co
lim f (x,)=L.

Khi d6 ta viét lim f (x)=L hogc f(x)— L khi x— 0.

X—>+00

GIOI HAN HUA HAN

GIOI HAN VO CUC

Gioi han dac biét

Gioi han dac biét

XI|%r£10|f(x)| | va I|m,/ =JL.

D Jimx=%. 1) lim x* = 400, 2) lim < =0.
X—>+00 xaioox
2) limc=c (ceR). 1 1
% 3) lim==-o0. 4) lim ==+
x—0" X x—0" X
5) lim x* = +ookhfk:2(k;t0)
X0 —oo khik 7 2
Pinh Ii Pinh Ii 1
Néu lim f (x)=L va limg(x)=M thi Néu lim f (x)=L=0 va lim f (x) =00 thi
X—Xg X—>Xo X—>Xo X—>Xo
1) lim[ f(x)£g(x)]=L=M. +ookhiL.Iirrx109(x)>O
X—>Xp ||m|:f ):|: . X.*)
2) lim[ £ (x)g(x)]=LM. e —oo khi L. lim g (x) <0
Néu li =0 thi
3) Iimf(x)zﬁv(yi M =0. cu limg(x) =0 thi
5 g (X i (0 [+ khi Lg(x)>0
& ) im——2 = .
Néu f(x)>0 va XILrQ f(x ) L thi SR G(x) |0 khi Lg(x)<0

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

Giél han mgt bén

lim  (x)= L < Jim f (x)= lim f (x)=L.

X=X X—Xg

B. DANG TOAN VA BAI TAP

Dang 1. Tinh gi6i han vé dinh dang %, trong dé tir thirc va mAiu thikc la cac da thic.

Phwong phap giai:

Khtr dang vo dinh bang cach phan tich thanh tich bang cach chia Hooc — no (dau roi, nhan tdi, cong
chéo), roi sau d6 don gian biéu thire dé khir dang vo dinh.

O ViDU

2 [—
Vidu L. Tinh gigi han A=Iin;2x+z—3x414. Ps: A=1741.
X—>! X —_

Léi giai

,
314 A o7 1
Tacd A=Ilim > =lim =lim _=

x>2 X" -4 x>2 (X—2)(X+2) 2 x+2 4

I Can nhé: f(x)=ax’ +bx+c=a(x—x)(x—X,)Vsi X,X,la 2 nghiém cua phuong trinh

f (x)=0. Hoc sinh thwong quén nhan thém a.

3_ 2_ _
2x° —=5x°—-2x-3 Ds: A:E.
17

Vidu 2. Tinhgi¢i han A=lim—; > :
x>2 4x° —13X° +4x -3

Loi giai

o5k -2x—3 . (x=3)(2¢+x+1)  ox?yx+l 11
A=lim— 5 =lim =lim== =
-3 4x% —13x* +4x -3 X—>3(x—3)(4x2—x+1) =3 4x% —x+1 17

Nhan xét: Bang chia Hooc — no (dau roi, nhan t6i céng chéo) nhu sau:

Phan tich 2x® —5x? —2x —3thanh tich sé:

3]

-5 |23
|1 [1]0

2| 12

= 2% —5x? —2x—3=(x—3)(2x2 +x+1)

Phan tich 4x® —13x? +4x —3thanh tich sé:

|4]-13 |4 |3
314]-1 |1 ]0

Fb: ThayTrongDGL Tai liéu bién soan va swu tim Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

= 4x® -13x? +4x—3=(x—3)(4x2 —x+1).

100 _
Vidu 3. Tinh gigi han A= lim > 2x+1

x>t X0 _2x+1

49

Ps: A=—.
24

o1 X0 _2x+1 ot (X°

X -2x+1 im(x1°°—x)—(x—1) B
"—x)-(x=D) ol x(x®-1)-(x-1)

_ x(x- 1)( +x7 4+ x* 4. +x+l) X— 1)
X(

X— 1)( + X7 x4 +....+x+1)

49

X — 1(x9+x + X XX -
-1)(

X+ x® x4+ X +x—l)

=lim

x—1 49

X

ICan nhé: Hang dang thirc X" —1=(x

Chutng minh: Xét cap so nhan 1, X, X%, X%, ...,

Khi do

S, =1+ X+X*+..+ X" =

- (
(
(x99+x X A XX 1) 98 49
(

XX X+ x-1) T48 24

Léi gidi

x(x99 —1)—(x—1)

—1)(x”’l+ X" X+ x+1).

X""¢é n sé hangva u, =1,g=x.

o x-1

=% —1:(x—1)(1+ X+ X2 +..+ x“’l).

x—1
® BAI TAP AP DUNG
Bail.  Tinh céc gidi han sau:
2
1) A—hmﬂ ps: A= 2) A=lim— 1 ps: A=Z.
-2 X2 -4 4 -1 X% +3x—4 5
3) A=limX X122 po a_ L 4y A=limX =242 pea L
>3 X° -9 6 x5 X“ —05X 5
2
5) A=lim>X —20%*3 pg. a-g. 6) A=lim w ps: A=
H?: x> —5x+6 -1 2x% —x—1 3
4_
7) A=lim—X =% ps: A=-16. 8) A=lim2= 2x=3 b At
x>-2 X* +6X+8 Hlx 5\/§+4 3
3 3
9) A=lim—> =8 _ ps: A-12. 10) A=lim >+ ps: a=12,
x-2 X2 —3X+ 2 x>-2 x? +11X +18 7

Bai 2.  Tinh céc gidi han sau:

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

3 B2 3 _
1) A=lim 22X H2XH pg Al g, 2) A=limX=3X*2 g a-l
x—1 X° =1 -1 X" —4X+3 2
3 2 4_y3_
3) A= lim XX X po AL 8 A=lim S XXt pgopl 3
x>l x4+ X" —-x-1 2 X1 X° —5X" +7X—-3 2
3 a2
5) A= fim 2X =3 +x2+9+7\/§' DS A:18+19\/§l
Xx——/3 3—X
3 Ey2
6) A=limX X *3+9 g a_g,
=3 X" —-8x"-9
_ 3
7N A=lim—2% _ ps.a=3. g A:lim[i— 12 j.Ds: A=1.
x->1 X" —4x°+3 4 x>2\ X—2 X -8 2
0) A=lim| -1 | PS: A=-2.
x>2\ X*—3x—-2 X°—-5x-6
10) A:lim( S j ps: A=1.
L X +Xx—-2 x°-1 9
Bai 3.  Tinh céc gidi han sau:
20 50 _
1) A=limX ~2H pg a8 2) A=lim—*——*_  PS: A=-50,
-1 X —2x+1 14 -1 X°—3X+2
-~ X"—-nx+n-1 .. . R n®—n
3) A=lim———— (Véi n laso nguyén). DS: A= .
x—1 (X—l)
" n(n+1
4) Atim X Z(nxLxen ps: A-1+Y).
X1 (X—l) 2
2+ x° " . n(n+1
5) A=Ilim X+X2 +X3 +"'+Xm n (m,nla so nguyén) . BS: A:M.
L X+ X2+ X +...+ X" —m m(m+1)
6) A:Iim( m___n j ps: A=
1 1-x" 1-x" 2
® LOI GIAI
: XA (x=1)(x=-2) .. x-
Bail. 1)Taco A=limX 23X+2: |m( I ):Ilm X l=l
x>2 X — -2 (x=2)(x+2) »2x+2 4
2 x—1)(x+1
2) Taco A=lim— i OO xL 2
oL x*+3x—4 o1 (x-1)(x+4) tx+4 5
2_ x—3)(x-4 -
3) Taco A=lim> 27X+12=Iim( J(X=4) X4 1
>3 x*—-9 3 (x—3)(x+3) 3 x+3 6

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

4) Taco A=lim —29x+20:"m(x—4)(x—5) ] X_4—£.
x—5 X —5x x—5 X(X—5) x-5 X 5

3x?-10x+3 . (3x-1)(x-3) . 3x-1

5T A=lim——— =1 =1 =8.
) Taco 8 X2 —5x+6 8 (x—2)(x—-3) o8 X2
6) Ta co A_I|mX +2X-3 . ( 1)(x+3) . nX+3 _4
-1 2x% —x—1 x—>l( 1)(2x+1) i 2x+1 3°
4_ 2 2)(x*+4 —-2)(x*+4
7) Taco A=lim X —16 = lim (X )(X+ )(X i ):Iimw:—lﬁ
>2 X +6X+8 2 (x+2)(x+4) 2 (x+4)
adi-s_ | (Y(Vxes) L (Vxes) g
8) Taco A=Ilim =lim =lim =——.
x-1 y 5\/_+4 xal(\/;_l)(\/;_4) xal(\/;_zl_) 3
3_ X—2)(X*+2x+4 X2 +2X+4
9) Taco A=lim— 2 i U 2xd) (X 2xed)

o2 x2-3x+2 2 (x-2)(x-1) 2 (x-1)
I Cdn nhé: Hing ddng thirc a®+b° = (a+b)(a’ —ab+b’)va a®~b® = (a—b)(a’ +ab+b’).

X+2)(X*—2x+4 X* —2x+4
10) Ta co A_I|mx—+8—lim( +2)( i )=Iim( i )=E.
x>2x? +11x+18 2 (x+2)(x+9) x>2  (x+9) 7

3 _py? x—1)(2x* -3x-1 2 _3y_
2 -5t +2x+1_ . (X=1)( ) i 24 =3x-1

Bai 2. 1) A=l = = =-1.
A ) al x> -1 ot (x=1)(x+1) -1 x+1
2
2) A—lim XS m¥H2 iy (Y (*2) p x2 1
o1 Xt —4x+3 o1 (x-1) (x2+2x+3) LY +2X+3 2
3 2 2
3) A= lim 2x3+5x2 +4x+1:“m(x+1)2(2x+1) lim 2X+1_1
xal X°+ X =x-1 x—-1 (X+1) (X—l) x>-1 x—1 2
4o x—1)° (x? +x+1 2
4) A=lim X ~x*1 i )(2 ) Xaxed 3
-1 x° —BX* +7x—3 x1 (x—l) (x—3) -l Xx—-3 2
2% 3 4+ X494+ 73 (x+\/§)(2x2—(3+2\/§)x+7+3\/§)
5) Taco A= lim > = lim | —
x—>-\3 3-X x> (X+\/§)(\/§—X)
i 2x2—(3+2J§)x+7+3J§ 18+19+/3
_x—llnﬁ - \/§—x = 5 .
2 _ 2 . _
6) Taco A=lim™ x° —b5X +3X+9 _ . (x-1)(x-3)" m(x 1)(x-3)

3 x*-8x*-9 _X—’s(X—B)(X+3)(X2+1) H3(x+3)(x2+1)

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

3 x—1)(-x* —x-1 —x>—x-1
7)Taco A=lim——%  lim (x-1)( ) —lim ( ) _3
oLx—4x* +3 oL (x-1)(x*+x° —3x=3) =1 (x*+x*-3x-3) 4
1 12 . X*—12x+16
8T A= = |=lim2>Y—=""-
)T X'Lg(x 2 XS—SJ XILQ(X—Z)(X3—8)
2
im0 x4 L
2 (x-2) (x2+2x+4) x>2 X°+2X+4 2
2 2
9) Ta co A—Ilm( 1 1 j . X°=5X—6+Xx"—-3x-2
X —3x—2  X’—5x—6 H2(x2—3x—2)(x2—5x—6)
2
Cjim— 2= — 2.
=2 (x=2)"(x=3)(x-1) ?(x=3)(x-1)
10) Taco A= nmE t 1 j—lim XX oX42 e XX x4l
oL +x=2 X =1) o1 (X +x=2)(x -1) o1 (X +x-2)(x*-1)
: x—1)° (x+1) _ X+1 1
=lim 5 =lim - ==.
T (x=1)" (x+2)(X +x+1) L (x+2)(XF +x+1) 9
20 _y_(x— x(x* -1)—-(x-1
Bai3.  1)Tacs Alimm 2 i X 2x=(x2D) (x* 1)~ (x-1)
oLX® =2x+1 o1 xT —x—(x-1) = x(x*-1)—(x-1)
_jim x(x—l)(x18+x17 +...+x+1)—(x—1) _iim (x—1)(xlg x4+ x—l)
Hlx(x—l)(x28+x27+...+x+1)—(x—1) Hl(x—l)(x29+x28+...+x—1)
_ (x19+x18+...+x—1) 18 9
:lem(x29+x28+...+x—1):ﬁzﬂ'
50 —1)(x*® +x*® +.. 1 49 | 48
2)Tace A=lim—>_—1 _im JE e x®s +X+):Iimx XXl g,
o1 X2 —3X+2  xol (x-1)(x-2) X1 X—2

_ _ x"=1)—-n(x-1
3) Tacod A—Ilmnx—+?1:im( ) (2 )

(x—l)(x”‘1 +x"? +...+x+1)—n(x—1)

=lim 5
_ (x—l)(x”’1+x”’2+...+x+1—n) o™y, iyl
x—>1 (x-1) x-1 x-1

_lim X" 14X 14X -1+ X1
) X—1

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

(x—l)(x”‘2 +x"2 +...+x+1)+(x—1)(x”‘3 +xm +...+x+1)+...+(x—1)

x—1 x-1

2

n"—n

= Iim[(x”’2 +x"3 +...+x+1)+(x”’3 +x™* +...+x+1)+...+1] =(n-1)+(n-2)+..+1=

X" —(n+1)x+n _ Iim(X"”—X)—n(X—l) _x(x"=1)-n(x-1)

4) Tacdé A=Ilim 5 > =lm >
x—1 (X—l) x—1 (X—l) x—1 (X—l)
X(X=) (X" +x"?+...+x+1)-n(x-1 X=1)(X"+ X" +...+Xx=n
x—1 (X—l) x—1 (X—l)
_lim x“+x”’1+...+x2+x—n:Iim X" =1+ X"t =1+ 4+ xP=1+x-1
x—1 X=1 x—1 X=1
y (x—l)(x”’l+x”’2+...+x+1)+(x—l)(x"’2+x”’3+...+x+1)+...+(x—1)
N XIEH x—-1
:Iirrll[(x”‘1+x”‘2+...+x+1)+(x“‘2+x”‘3+...+x+1)+...+1]
=n+(n-1)+(n-2)+..+1= n(n2+1).
2 3 n n n-1 2
5) Taco A=lim X+X + X +...+X —n _lim X' =1+x""=1+..+X -1+x-1

SLXA XX X" —m ol X" 14 XM =1+ X =1 X -1
i (x—l)(x”’1+x”’2+...+x+1)+(x—1)(x“’2+x”’3+...+x+1)+...+(x—l)
=lim

X1 (x—l)(x'“‘1 +Xx™2 +...+x+1)+(x—1)(x"“2 +x™3 +...+x+1)+...+(x—l)

_ (x”’1+x”’2+...+x+1)+(x"’2+x“’3+...+x+1)+...+1
:lem(xm‘1+xm‘2+...+x+1)+(xm‘2+x”“3+...+x+1)+...+1
lim n+(n-1)+(n-2)+..+1 n(n+1)
etme(m=-1)+(m-2)+..+1 m(m+1)’

6) Ta co A:Iim( LU I TN 1 S O L 1}
oI(1-x" 1-x") 1 (1-x" 1-x 1-x" 1-x
. m 1 . n 1
=lim ——— |—=lim _—
I\ 1-x" 1-x) »1(1-x" 1-Xx

( m Lj:“mm—(l+x+x2+...+xm‘1):“m(1—x)+(1—x2)+...+(1—xm‘l)
x—1 1—Xm X1 1—Xm

=lim

x-1 (1—x)(1+x+x2+...+xm’1)

i T+ (14 X) + ot (L XX 44 X™ ) 142434 4m-1 m-1
= 1+ X+ X2+ +x™ B m 2

- n 1 n-1
Tuong tu ta co lim — =
-1\ 1-x" 1-X 2

s m n m-1 n-1 m-n
Vay lim - = - = ,
-1 1-x" 1-x" 2 2 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

#Dang 2. Tinh giéi han vé dinh dang %, trong d6 tir thirc va miu thirc co chira ciin thirc.

Phwong phap giai:

Nhan luong lién hop dé khir dang vo dinh.

O ViDU
Vidu 1. Tinhgi6i han B = Imgg— “X6+3 Ds: B=—%.
X—> X_

Loi giai
Ta co: leim@:Iim(g_m)(Ber)
x>6 X —6 x—6 (X—6)<3+ﬁ)

=lim 9-(x+3) 6-x =lim -1 L

% (x-6)(3+x+3) g 6)(3+x+3) H63+JF 363 6

Vidu 2. Tinh giéi han E_Ilrr;\/3X+2_;/5X_6 : Ps:E=-1.
X—> X_
Loi gidi
IY3x+2-2 + 2—\/5x—6 3 _ _
Taco E = lim "3” —2 | |im2=/5x -6
X—2 X—2 xﬂz xﬂz X—2
A B
. Y3x4+2-2 . 3Xx+2 —8
A= |rr2]—:|IIT21
=2 X2 " x—2 Y3x42° 4233xt2+4
. 3 x—2 3 1
:Im; _—|IrT21 —
“tx—2 Yaxr2ir2iBxr2+a Y 3x+2” +23Bxt2+4 4
B lim2 V=6 _ . 4=5b g 92X
-2 X—2 o X—2 24+/5x— x22 x_ 2 24+/5x—
-5 5
=lim ——
X222 24+/5x— 4
Suyra E= A+B_£—§:—1.
4 4
.‘3’ —
Vidu 3. Tinhgidihan L= I|m5x—3+2 . Ds:in.
x—-1 X+1 12
Loi gidi

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

I5x—-3+2 . 5Xx—3 +8

Taco: L= lim = lim

o1 x4l 7 x41 Y 5x—3° —235x—3+4

= lim lim
x4l 3 5x—3° 23Bx_3+4 'Y 5x—3°—236x—3+4 T2
Vidu 4. Tinh gidi han E—Ilm\/3X+2_\/3X_2. Ps: E= 2.
X—>2 X—2 2
Loi giai
J3x+2-2 — \/3X—2—2 3
Tacd E=Iim \/3X+ —2 i \/3x —2
x—2 X_2 X—>2 X—»Z
_lim 3x+2 —8 _lim 3X—2 —4
P x—2 J X L2 423Bxr2+4 7 X=2 3x—2+2
—lim 3 x—-2 lim 3 x=-2
P x—2 Y 3x+2° 1233+ 2+4 <2 2 V3x—2 42
3 3 1 3 1
=lim -2 _ -
“tilaxt2? v23fax 2 +4 M B2z 4 4 2
3 —
Vidy5. Tinh gioi han F =lim Vit 2xVl+4x-1 Ps: F:%
X—> X
Loi giai
i Mt 2x3i+4x -1 y JI+2x. A+4x -1 + 1+2x -1
F= XILI;)] " = XL”J .
C NL2x R+Ax-1 firax—1
=lim +lim
x—0 X x—0 X
: J1+2x. 1+4x-1 _ 14+2x—1
=lim +lim
0% «3/ 1+4x ? +31+4x+1 =0y J142x —1
=lim A1+ 2x #_%Jrl:g

“’\/1+4x +\3/1+4x+1 0\/1+2X—1_

® BAIl TAP AP DUNG

Bai 1. Tinh cac gigi han sau:

Page9

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !



Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

2_
)e=lim—2=%_ ps:B——6 2) B lim YAHX+X =2 popg_ 1
x-8 3_ /X—i—l x——1 Xx+1 4
[o0y2 oy / —
3) B:IimM.Bs:B:1 4) B:Iim#.})s:B:i
X—3 2x—6 4 X2 X*—4 16
5) B:Iimz_z— 3X=2 pgp—_S 6) B=Ilim \/;_::’.DS:B:—i
x—2 X2 _4 16 x=9 QX — X 54
7) B:Iim—“)z(Jrz_Z.})s:B:i 8) B=lim '7_22)(+X_2.1)S:B=—1
x-2 2X° +x—10 36 x—-1 x°—1 3
’ 2
9) B = lim 2X+52_ 2X+X+8 pog_
x—-1 X +3x+2 2
Bai 2. Tinh cac gidi han sau:
1) B limV3XHL—VX43 pop_3 ) B—lim——*+3-2  pup_3
1 [x+8-3 1 J4x +5—/3x+6 2
3) B =lim x+2-v2x g 1 £y B—lim VXLV pop 3
2 x—1—3—x 4 =3 [2x 43 —/x+6
2 _ _ 4 -
5) B= lim YX X2 V17X pop_0 6 B=lim¥X 31 pup_1
x—-1 X"+ X -1 x—1
2
7) B=limYX FIoNIXHS g
=2 X 41—x+3
Bai 3. Tinh cac gigi han sau:
1) L= limYX 9+ x+16 -7 Ps: B =
X0 X 24
2) LzlimJ2x+2+Jsx+4—5_ ps:g_2
x—1 x—1 3
3) L= lim 2YX+6+v2x-2-8 Ps: =2
x—3 X—3 6
2_
4) L= ljm 214X =8 Ps:L =8
x—2 X—2
5X—4 \J2x—3+x—84
5) L=lim - xR Ds:L:7—:'
X— X_

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

6) L=lim Vit axylox -1 Ps:L—5
X— X
7 L:"m\/4x—3j:\/2x—1—:f;x+1_ Ps:L__ 2
x—0 X°—2x+1 2
8) L:"m—3X—7—|—i\/X+3—}—2\/2X—1. Ds:L:_g
x—1 X°—2x+1 16
9) L:Iim\/4x+4+\2/9_6x_5. Ps:l——>
x—0 X 12
[ 2
10) L=Iim 6X+3+2)2( LY Ps: L= 1
X1 x—1 6
Bai4. Tinh cac gidi han sau:
3 . _.3/ _
1)L:Iim\/& 2. Ps: L= = 2) L= ljmi=V1=x Ps:L = =
x=2  X—2 3 x—0 X 3
3fi2 1 3/ _
3) L:Iimx—lz. })s:L:1 4) L:Iimiz. Ds:L:1
3 x—3 2 o1 fx—1 6
3 _ 3 _
5) L:IimL. Ps: | = > 6) L:IimL. Ps:L=1
x=8 [2X+9 —5 12 13¥x—2+1
3 3 _ 3 —
7) L= lim V020 HX7d ) 3 8) L—lim I HLNXAT oy T
o1 X" 43X+2 2 -2 X" —3X+2 54
3/\,3 2
9) R L Ps:l =1
x—=1 x—1 4
— _3 —
10) L = lim 2YA=X=¥8=X Ps: | — it
x—0 X 12
3[ny2 _
11) L:"m\/ZX +4x2+11 ‘/XJF?. Ps: in
X2 X2 —4 72
/ 3 _
12) L= lim YA V834 Ds: L=1
x—0 X* 4+ X
Bai 5. Tinh cac gigi han sau:
X— X n

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

2) F=lim \/1+ax—T/1+bx_ Ds: ab
X0 X n m
3) F = lim "”ax 1( b= 0) ps: @M
i bn
4) F =lim \/1+ax—Q‘/1+bx- Ds: Z[E—R]
x—0 \/].—f-_X—l n m
® LOI GIAI

X—8 3++/x+1 X—8 3+4/x+1

Bail. 1) B=lim—> 2 —|j — i

m
83— x+1 H*B IX+1 344x4+1 f 9= x+1

X—8 3+4/x+1
=lim :Iim[— 3+Xx+1 }:_
X—8 8_X X—8
i —2 . ANAEXEX =2 A x X 2

2) B= lim

=1m
< x+1 o X+1 A+ x+x* 42

= lim = |lim = lim —=

CTEXHL AAEXAX 2 T XL A xxt 42 1\/4+x+x 12
,/ 3 _ V2X* —3X — X /2X* —3X + X
3) B_I| NEX =X X im

X3 2X—6 /2x% —3X +X

. X X—3 ) X
=Ilim =lim =

1
32 x—3 A2X2—3x+x P2 Jy2xF —3x +x 4

Vx+2-2 o VX+2-2 yx+2+2
im

4) B=Ilim
) akd X2 —4 X2 —4 x+2+42
X—2 1
=lim =lim =—.
2 X—2 X+2 x+2+2 2 x42 \/X+ +2 16
5) B lim 2o Y32y STVIT2 2ENRE 4 2
2 X’ —4 =2 x4 24/3x— =2 %24 243X —
32—x -3 3

=lim =lim —

<2 X2 x+2 24\Bx_2 *? x+2 24\Bx_2 16

Jx—3 o x=8 x+3 x—9 1

6) B=Iim =lim =lim =lim =—=.
99X —X® x% gy x? [x4+3  *¥x 9—x JXx+3 *Ox J’+3 54

44 x+x*—4 X x+1 1

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

7) B=lim X+2=2 i, X=2 =lim _ 1
x22x* +x=10 2 x_2 2x+45 x+2+2 *2 2x+5 \/x+ 2+2 36
8) B= lim [T=2X+X=2 iy (2% X2 — lim —X' +2x+3
x—-1 x*—1 o -1 J7T—2x+2-x 1l x?-1 JT-2x+2-x
X+1 3—X 3—X 1

= lim = lim =—=,

1 x4l x—1 J7—=2x+2—x 1 x—1 J7—2x+2—X 3

2x 452X +x+8 . 2x+5 " — 2x* +x+8
9) B= lim ; = lim
i X" +3x+4-2 x4 3X+2 2X+5++/2x2 +x+8
2x% +19x +17 X+1 2x+417

= lim = lim

4342 2X+542X° +x+8 T x+1 x+2 2X+5++/2x* +x+8

_lim 2x+17 5
L 12 x4 B 42K X182
_ 2 x—1 x+8+3 2 \JX+8+3
BaI2. 1) Blim¥VSXELoVX+3 o i

m =
x—1 [x+8—3 Loy 1 \Bx+14+4/x+3 T3 +14+/x+3

13— Xx—1 J4x+5++/3x+6
2) B=Ilim X+3—2 =lim
1 JAx+5—-\3x+6 *1  x—1 Jx+3+2

J4x+5+4++/3x+6 3

=lim _3
Sl X +342 2
3)B|WJ_I.2><J R R i S
_ - . N
x—=2 \[X — —/3—X =29 x—-2 \/F_{_\/_ XHZZ\/F_‘_\/— 4
4) B=Ilim VX+1-+3x—5 Iim2 3—X \/2Xx+3++/x+6
=3 J2x+3-/x+6 3 x—3 Jx+1++/3x—5
~2 \[2x+3++/x+6
=lim __3
5 fx+1+3x—5
\/m—\/l_x XL X4+2 — 1—X
5) B_xl 1 4 = |Ir[]l
H x* +x Ty Xl KX+ 2 K x 2 +V1-x
= lim X+l = lim x+1
S x4l X X12 X2 X X x4 2 X ixt2 4D
=0. Vi

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

Y4x—-3-1 . 4 x-1

=lim

ctox=l o fax—3" 44 ax—37 +4ax—3+1

= lim . =1.

H \/ 4x—3 +\/ 4x—3° +4/ax—3 41
2 1. 2X> —2Xx—4 X +1+x+3
7 B_“m\/ZX +1—+/2x+5 .

lim

2 11 (x+3 7 w2 _x—2 J2x’ +1+/2x+5

2
2 X +14+x+3 2\/5

=lim _
2 \J2x% +1 442X +5 3
- M—3 + m_4
Bai3, 1) L—limYXH9HVx+16-7 .
X—0 X m "
=lim \/F‘H m+4 _lim 1 7
- o \/F+3 Jx+16+4) 24
2) L:|im\/2X+2+\/5X+4—5:“m «/ﬁ—z + m_3
X—1 X_l ) <
2 x—1 5x-1
=lim erZ Jox+4+3 _lim 5 4
X1 x—1 x—1 \/ﬁ‘l‘z m+3 3
3) X6 ryex—2-8 . 2XT6-6 + N2x—2-2
X—3 X — 3 3 X_3
X+6 9 2x—2—-4 3
i WH 242y JF+3 mw
X—3 o o —
= lim 2 _5
o \/F'f‘?’ P2x—2+2) 6
g L2 8 XL 20
X2 X—2 x—2 X _ 2
4X 4—x? X—22
i1t x +2 X—2 X+2 AT o2 x42
—lim o1 x — lim—2¥X=1+X
X—2 X—2 m X_2
X—2
=lim{—X—=———-+2 x+2 | =8.
X—2 2 X—l—I—X ]
5) L=Ilim 5x—4 \/2x—3+ x84 —Iim[ 5x—4 2x—3—3 5x—4 ]—|—16X—96
—X—>6 X_6 _XH6 X_6

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !

Page14



Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

2 X—6
—4 J2x—-3-— — X—4 ————+16 X6

_lim 5x—4 2x—3-3 +16 x—6 im ox—343

x—6 X—6 x—6 X—6

. 10x—8 74
=lim|———+16| =—.

X”6[\/2x-3+3 ] 3

2 . 2 _
6) L:“rrg\/1+4x\/1+6x—1:"m 24x° +10x+1 l:Iim 24x° +10x+1-1
X X

x=0 X 0y J24x% £10x+1+1

X 24x+10
— lim + Cim_ 2410 o

0y J24x2 +10x+14+1 X0 J24x2 +10x+1+1

VAX—3+2x—1-3x+1 _ .
X —2x+1 x-1

\/2x—1—x+\/4x—3— 2x—1

x—l2 x—12

7) L:Iirrll

. 2X —1— X2 AX—3— 2x—1°
=1lim

+
1l oy _q° N2X—1+4X Xx—1° NJAx—3+2x—1

5

] -1 4
=lim )
2

+
=1\ J2x—14+Xx  J4x—3+2x—1

—3X—7+4\/X+3+2\/2X—1 _lim 4\/X—|—3—X—7 + 2\/2X—1—2X

8) L=Iim
) x—1 x> —2x+1 X1 x_1°2
16x+48—x2—14x—49+4 2x—1 —4x2 —x-1° N 4 x-1°
_ X+74+4x+3 2x+242x—1 x4+ T7+4x+3  2x+2J2x-1
:lem x—1° :lem x—1°
—1 4 17

=lim

x—1 x+7+4\/x+3_2x+2«/2X—1 T 16
JIxT 440 6x 5 JAX+4— x4+2 + J9—6x+x—3

9) L= lim e = :
4x+4—x2—4x—4+9—6x—x2+6x—9 —x? B —x?
i JAX+4+x42 J9—6x— x—3 i X+2+/4x+3 9—6x— x—3
_XI—ITJ X2 _XILT(]) X2
. —1 1 5
=lim — =——.
0| X4+ 24++/4x+4 J9—6x— x—3 12

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

_ 2 X*—2x+1 ++/6x+3
10) L_I \/6x+ +2x 5x _lim
12 x=1 x—1°
6Xx+3—x*—4x—4 ) x—1°
2 x—1°+ 2 x—1°—

— lim \JBX+3 4+ X+ 2 —lim J6X+3+Xx+2
T % X—12 IR X_12
—lim|2— ! _u

1 VBX+34+x+2 6

3 —_
Baid 1) L—lim¥¥*=2 _jin 4x—8 _lim 4 1

X2 ) flox +odix 4 iied 1 2Uax 4 3

. 4 1-1-x 1 1
2) L =lim X _lim O _lim 1
h Xaxl+%fx+#1—x2 X°1+%T_+J1 x ’
3 2 9
3) L=lim X =2 i X 2—9
X_3 - X—3 [3’ X2—1 +23/X2_1+4]
i X+3 1
=lim . _ =
Xﬂsi/xz—l +2ix-1+4 2
X7 =2 x—1
D= M Ixe7?
B e Y XHT T+ 23Yx+T +-4
Ix+1
— lim Jx+1 l
Y x+7 42T +4 6
X—8
5) L=Ilim 3/;_2 _llm\/_+2\/_+4_| J2X+9+5 :i.
EN2XF9 -5t i XH82 3X2+2§/;+4 12
J2X+9+5
ox=1
6) L—Iim—i;_l—“m I +3x+1 “mm IYx— +1
_XH R _XH _1 x—1
xme - e +3x+1
d;j57—WX—2+1
3
SO e TR R s
—X"l X2+3X—|—2 _X—vfl X+1 X+2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

2x° 42
- + x+1
i .3/ 10+2x°* ~ +2310+2x° +4
= lim
x=-1 X+1 x+2
2 x+1 x*—x+1
> + x+1
i ,3/ 10+2x “ +2310+2x° 44
= lim
x—-1 X+1 x+2
2 X2 —x+1
2 +1
i 3/10+2x3 +2310+2x° 44 3
= lim ==,
X——1 X—|—2 2
8) L— lim Y8x4+11—x+7 3/8x+1 -3 \/x+ -3
-2 X*—3X42 =l x> —3x+2 Xﬂ2x —3x+2
—lim 8x+11-27 lim X+7-9
P x—1 x—2 Y 8x+1174+3x+11+9 TP X1 X=2 JXx+7+43
8 8 1 7

=lim —lim

P x-1 \3/ 8x+11° +3¥Bx+11+9 * x-1 \/X+ +3 T271 7 54

3 [y 33 2 o
9) L_Ilme 17 —+x +3_ 72 L X432
x—1 x—1 -1 x—1 -1 x—1
_lim X*+7-8 lim x*+3-4
e[y e+ 42 7 44| T X1 X432
: x*—1 : x> —1
~lm———— i ———
x—13 X*+7 +2Yx*+7+4 x—1 Jx"+3+42
_im X2+ x+1 x+1 1 1 1
Ty x3-|—72+2\3/x3-|—7-|-4 \/X +3+2 4 2 4
vy _ 3 v 3
10)L:Iim2\/1 X —</8 X:“m2xll X 2 \/8 -2
x—0 X x—0 X X~>0
41-x —4 . 8—x—8
=Ilim I|rr01
TOX WI-x+2 Uy a8 x? 1238 x4
-1 -1 11

=lim
x~02\/1 X 42 M\/g x 21238 /—+4 12

5

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

Bai 5.

11) L = lim 32x? +4x+1 —JIX+7 _lim J2x% +4x +11 — «/x+ 3

X—2 X—2 X _4 xﬁz
lim \3/2x +4x4+11—-27 lim X+7-9
X— X— 2
N #2%+4x+uf+3ﬁm8+4x+uﬁg 2 XT—4 X+T7-3
2 X—2 x+4 _
:"”2‘ : + —Iirr21 : X—2
X2 —4 #2%+4x+ﬂ.+3#b@+4x+ﬂ&9 X'—4 JX+7-3
2 Xx+4

=lim —lim

1
- [ 2% 4 4x+11° +332x% £ ax+1149| 7 X+2 Jx+7-3
S

9 24 72
12)L —lim VA xABFI—A _ JA+x. ¥B+3x—2 + 24+ x4
= im
X—»O X2+X X0 X +X
o NA+x YB43x—2 o faix_a4
=lim - +1lim
x—0 X° 4+ X X—0 X X
_lim J4+Xx. 843x—8 lim 2 44 x—4
Oy x+1 Y 843x 423 Bidx+4) X XL JAx+42

i Ja+x.3 . 2
= lim +lim
0 x+1 3 8+3x° +2¥Brax+4 0 X+1 A+x+2

1 1
=>+5=1
1) F = lim Q/1+_ax 1 _lim l+ax—1
<0 X - \/1+ax +Q/1+ax”—2+...+Q/1+_ax+1
=lim a _a

H’\/l-i—ax +Q/1+ax " riflrax 41 N

itax —Yl+bx i Ylt+ax—1 — Yl+bx -1

2) F=Ilim
x—0 X x—0 X
_lim \/”1+ax 1 R"/l+bx 1 _a b
x—0 x—‘O n m.

3) F = lim 1+ax_1_|im Yl+ax—1 1

X%%+m 1 x0 X ‘o rbx -1

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

Xét A=lim V“ax Vtax-1_a. g, dtbx=1_b
Xx—0 n Xx—0 X m
Lp_al_am
nb bn
m

4) F —lim oM YLbx Yitax—1 - YL+bx-1

=0 flgx-1 Ji+x-1
_imdAtax—1 L gigbx—1
xﬂo\/]T 1 XHO\/]T 1

Prax—1  x ]“m

Y1+bx —1 X
X '\/1+_X—1

=lim

x—0

x—0

X “Ax—1]
Yl+ax—1 a

Tach A—limita&x—-1_a
X—0 X n
v/ — X J1+x+1
B — lim Y11 BX 1:£C_nm ~ lim———— —lim JFxX+1 =2

x—0 X x—0 ’1_{_ 1 x—0 1+ X —

~F :3.2—3.2:2[—_3].
n m n m

#Dang 3. Giéi han ciia ham so6 khix — o,

Phwong phap giai:
- Déi vdi dang da thirc khéng cdn, ta rit bdc cao va dp dung céng thirc khi X — +oo
1. lim x* =+

X—>+00

5 +ookhik = 2|
2. lim x* = .
X0 —ookhik =21 +1
. lim i =0 (c hang s6)
X—>+00 X

- Déi vdi dang phdn sé khéng cdn, ta lom twong tw nhw gidi han ddy sé, tire rut bdc cao nhét cia to
va mau, sau dé dp dung céng thurc trén.

- Ngodi viéc dwa ra khdi cén béc chén can cé trj tuyét déi, hoc sinh cén phén biét khi ndo dwa ra ngodi
cdn, khi nao lién hop. Phwong phdp suy luén ciing twong tu nhw gidi han cda déy sé, nhwng cGn phén
biét khi X — 4+00 hodc X — —©

® ViDU
Vidu 1. Tinhgisi han A= lim (—x3—6x2+9x+1). Ps: —co.
Loi giai
A= lim x° —1—§+3+i =—co (Vi lim x* =+ocova lim —1—§+3+i =-1).
X—s400 X X2 X3 X—>0c X—+00 X x2 X3

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop n GIO1 HAN VA LIEN TUC

3
Vidu 2. Tinhgiéi han B= lim w Ds: l
x—+ 2 —6X° —6X° 6
Loi giai
3 1 3 1
X+ += Sy
. [+x2+x3] et 11040 1
B= lim = lim =—=.
T ) x—tc 2 6 - 0-0-6 6
X|5———6 ————F6
x> X X* X
Vidu2. Tinhgisihan C= lim /x*+x+1+2x . Ps: —oo.
Loi giai

C = lim N (1+1+— +2x}— lim [|x| /[1+1+i2j+2x}
X—>—0 X X X—>—0 X X

= lim {—x (1+1+ L j+2x}— Ilm{ (2— /1+1+%HZ_
X—>—0 X X X—>—00 X X

(Vi lim x=—ocova lim |2— /1+ +—= L =2-1=1>0).
X——00 X——00 X
® BAI TAP AP DUNG
Bai 1. Tinh cac gidi han sau:
1) A= lim x*-3x*+2 . Ps: —co. 2) A= lim —x*+3x*—1.Ds: +c0.
3) A= lim x'—2x*+1.Ds: +o0. 4) A= lim —x*42x*+3 . Ps: —co.
X—+00 X—+00
5) A= lim —x*—x*+6 .Ds: —co.
Bai 2. Tinh cac gigi han sau:
1) B= lim =8 Ps: B=—4.
x—ro0 DX —1
2) B= lim X2 Ps: B—1.
X—+00 X — ]_
4 3
3) B= lim 2T X 715 Ps: B=2.
X——00 X" +1
3
4) B= lim w Ps: B=—2.
oo —x3 —x2 41"
2_
5) B= lim w Ps: B=0.

ot 2% —1

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

3 2
6) B= lim|— % | Ps: B—2.
x>+ 3X°—4  3X+2 9

4x+3° 2x+1"*

7) B= lim o Ps: B=8.
X—+0C + X
2x—3% 3x+2 % 0
8) B= lim e Ps: B:[§] .
S 142 2
2_
9) B lim >X —X+3, Ps: B——oo.
xomoe X —4
3
10) B= lim w Ps: B——oo.
X——00 _X

Bai 3. Tinh cac gidi han sau:

1) C= lim x*—3x+2—-x+10 . Ds: E.

X—+0C 2

/ 4 2
2)C:IimM. Ps

X—4-0¢ 1—2X

3) C= lim 4x* —4x+1+2x+13 . Ds: 14.

X——00

« —0Q.

4) C= lim X2+ X+X+5 . Ds: %
5) C= lim J2x*+1+x . Ps: +o00.
6) C= lim +/x*—4x—x+42021 . Ps: 2019.
X—+00
7) C= lim XX =X +1 . Ds: —%.
. 2 3
8) C= lim L Ds: -2.
x> X2 4+ X+5
9) C= lim 4x*+3x*+1-2x* . Ds: %
X—+00
10) C = lim VX4 x42x Ps: L
o 2X43 2
11) C= lim X +x+1—x+1. Ps: %
X——+0¢

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

|X|— /%% + x

12) C= lim Ps: -2.
x>—oo X410
13) C= lim 4x® —9x—21—/4x* —7x+13 . Ps: %
AX3 x| —3x% +7x—1
14) C = lim x4 2X + X : Ps: 1.
oo oy 11 % X2 43x
15) C= lim 4x* —4x+1+42x+3. Ds: 4
. 3—X
16) C= lim | x—1 /—3 : Ps: -1
Xm0 5—3x—X
17) C = lim /16x*+3x —4x+5 . Ds: %3
X——+00
3
18) C = lim |x,| -2 X | Ps: —2
X—=—o0 X*—X"+3
. - 5
19) C= lim x—3—+x*—x+1. Ds: 5
X—+00
Bai4. Tinh cac gidi han sau:
. / 2x% + X
1) lim |x.,|———|. Ps: —/2.
)Xfo x> —x?+3 V2
2 3
2) lim L Ds: 2.
o X2+ X+5
2
3) lim WX £X+2+3x+1 Ds: 4.
L o e
4 2 2
&) lim Y2 X o xx 43 ps: Y21
X——00 X 5—2X 2
5) lim 2X—1+434x* +x-5 Ds: &
K 13X 24/9%% — X +10 3
2 3 3
6) lim 3Vx ~1-31-8¢ Ps: —=
X——00 6x+9
2x—1 x* -3
7) lim 5 Ds: E
X0 X —5X 5

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

’ 2
8) lim 2= -l Ps: — &
== J9x* —x+3 -5x—3
9) lim ax+l Ds: 1.
Y NN S
. 8x+3
10) lim : Ds: 2.
T BX 4 A/AX° +X+-3
lim X' 417X +2 Ps: —1
XH”\/x +3X+2+5x+3
12) lim XE2¥1=2X Ps: 1.
X——00 1-x
Bai 5. Tinh cac gidi han sau:
D lim X +x—x . Ps: +co.
2) lim x> —4x—x . Ds: —2.
X——+0¢
3) lim x+2—x—2 . Ds: 0.
X——+0o0
4) lim X+ x—x2+1 . Ds: —%
) lim x*+4x+1—-x—-2 . Ds: 0.
X—+00
6) I|[n VX2 —3x+5+x+1 . Ds: g
7) lim 27x* —x* —3x . Ds: —2—17
X——+00
8) lim 2x—+/4x*4+2x—1 . Ds: —%
X—+00
9) lim 2x—3—+/4x*+4x+3 . Ps: —4.
X—+00
- 4 2 2 3
10) l'[n; 4x" 43x°4+1—-2x Ds: 7
11) lim /4x* +3x+1—2x+4 . Ds: %
X—+00
12) lim /4x* —4x+1+2x+3 . Ds: 4.

X——0C

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

. XH3AxE =X 16
13) lim . Ds: —.
PN /o 9
14) lim ¥8x* +1—2x+1 . Ds: 1.
X—+400
® LOI GIAI
Bail. 1)A= lim x3[1—§+%]:—oo, (vi lim xX*=—cova lim [1—§+£3]:1>0).
X——00 X X X——00 X——00 X X
2) A= lim xs[—l-i-g—is]:-i—oo, [v‘l lim x> =—ocova lim [—1+§—i3]:—1<0 :
X——00 X X X——00 X——00 X X
3) A= lim x4[1—32+i4]=+oo, [v‘l lim x* =4ocova lim [1—32+i4]:1>0 :
X——+40C X X X—+ 00 X—4 00 X X
4) A= lim x“[—l+%+%] = —00, [v‘l lim x* =400 va lim [—1+%+%]:—1<0
X— 400 X X X——400 X——400 X X
5) A= lim x“[—l—iz-i—%] = —00, [v‘l lim x* =+ocova lim [—1—%+£4]:—1<0 :
X——00 X X X——00 X——00 X X
1 1
x[—8] ~_8
Bai2. 1) B= lim ~ X = fim X o im X =00 4.
X—+400 2X_1 X—+00 X[Z_] XH+x2_7 2_0
X X
2 2
X 1+] 1+
2) B= lim X2 _ [ X) _ jim —x 140
X—400 X — X400 [ 1] X—sox 1 1—
X|1—=
X X
7 15 7 15
4 3_ 4 _
3) B— | 2X +47X 15—|Im X1X — lim Xlx 2—1|—000_
——0C X + ——00 X4[1+4] ——00 1+F +
3 4 3 4
24+ — = 2+ -2
22X +3x—4 [ X x3] : [ % x3] 2+0-0
4) B= lim =5 = lim = lim 11 =1 0i0="
XX +°°x3[—1—+3] +°°[—1—+3] B
X X X X
5(3 1 7 3 1 7
3¢ X +7 x XX X X %) 0-040
5) B= lim ==— > — |im = lim = =0.
X 00 2X3 _1 X——400 3 1 X—+400 1 2 — O
X|2—— 2——
X X
) 3 2 X* 2x+4
6) B= lim|[———— % | — |im i
4| 3X° =4 3X+2) e 3xP—4 3x+2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

4 4
X2+ 24—
. [ Jrx] : [ Jrx] 240 2
= lim 2 2I|m 2 2:303025
X—40C X——+00 —
S A e e
X X X
3V (. 1)
B fim 321t [4+x] [2+X] C440°240°
_X—>+x 7 _X—‘+xx: 7 - 7 o
2+2x [2+3] 2+0
X
3 20 2 30
& B lim ox—3% 3542 _ [Z—X] [3—|—X] 2.0 20 3+030_ 3\
_Xﬂfoo 1+2X 50 _Xlr;nx 1 50 o 2+0 50 o E )
2]
X
1 3 1 3
X2[3——|—J 3— =4+ =
2 2 2
9) B lim > X3 _ jim X4X = lim [x—X2X =,
X——00 X_4 X——00 X[l_] X——00 1_7
X X
3_1_}_&
Vi lim x=—oova lim — XX _3
X—r—00 X—r—00 4
1=
X
2 3
X3[2——|—] 2—— 4+ =
3 2 3
10) B= li 2 Z2XH3 i 5X XJ— lim |x? g(z X =,
X——00 _X X——00 X[_ ] X——00 7_1
X X
2243
vi lim x?=+oova lim —* X —_2
X——00 X——0C 5
21
X

Bai3. 1) C=lim x*—3x+2—x+10 =10+ lim +/x*—3x+2—x
X—+00

X—400
—104 fim ———XF+2 104 fim =X +2
e X2 —3X 42 4+ X o X2 Z3x 42 4+ x
2
_3_{_*
=10+ lim X :10+—_3:g_
X——400 2 2 2
1->4+° 41
X X

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

. |2+ 1 1 o 1 1
[ox4 1 w2 _ 2o Ny
2)C:IimM:Iim 1X X_— lim x#:—oo,
X—>4-0¢ 1—2X —400 X[—Z] — 400 1 5
X X
2t 1
2 4
vi lim x=+oova lim #:—Qw
X—40C X—+00 1 2
2
X
3) C= lim VAX* —4X+1+2x+13 =13+ lim 4x* —4x+1+2x
2 2 N
13+| 4x° —4x+1—4x _134 "m a4x+1
*J4x? —4x4+1—2x \/Xz 4_4+12)_2X
X X
—X[4+] —X[4+1]
=13+ lim =13+ lim X
|| [4—4+12]—2x —X /[4—4+12]—2x
X X
44=
=13+ lim X =14
X 4 1
e
X X
4) C= lim x*4+x+x+5 =5+ lim —x,/1+1+x =5+ lim |x|1-— l+1
X——00 X——0C X——00 X
-1 1 9
=5+ lim |x — X =5+ lim | ——|==.
1+4/1+1 1+1/1+1
X X
; . 1 1
5) C= lim 2x*+1+x = lim |—x,[24+— +x|= lim |x|1—,[2+ = [|=4o0,
X——0C X——00 X X——00 X
- 1 Lo
vi lim (1—,/24— —1-+/2 <0va lim x=—c0|.
X——00 X X——00

6) C= lim x*—4x—x+2021 =2021+ lim

X——+00 X——+00

X

X /1—ﬂ — x] =2021+ lim
X X—+00
4

1-"1 4 4
=2021+ lim |x|—X-—||=2021+ lim | ———[=2021—— = 2019.

X—+00 X—+400
-2 -t
X X

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

7) C=lim YX+x—x*+1 = lim x-1
o N N !
= 1X_1 T f : 1
| 1+;+|x| 1+ x\/1+—x\/1+
1
1—=
", 1 i 1 __%
— l+—\/1+2
X
2)x , 3
8) C— lim 2|x|+3 im 2|x|+3 2+0

- 7 X _
X—r—0¢ 2 X—r—
S +x+5 Ly /1+ +7 B ’1+ +7 —J14+0+0

9) C= lim 4x*+3x*+1-2x* = lim |x? f4+ 3 +i_2X ]
X—oc X—+ox
3 1 1
= lim |x2 X3 Xl = lim - X1
X—+00 X——400
4+7+F+2 4+7+7—|—2

/ 1
2 o —X,[1+=+2X
10) C = lim NXTHX+2X lim X

ko 2X+3 o 2X+3
1
X|— 1+ = +2 et
. X T2 i g
_Xllr_n 3 -|—XI|r_nj T = 5 :E.
x[2+ ] ‘ 2+ —
X X
11) C= lim X* +x4+1—x+1 =1+ lim x‘/1+1+i—x]
X—+400 X——400
1 1+1+ 1
=1+ lim |x|,[1+=+= —1|| =1+ lim |x X
X—+0C X X X—+00 1 1
+=+5+1
X X
=1+ lim X =1+>==
X—+400 1 l 2
/1+—+—2+1
X X

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

N |x|—x,/1+1 X 1+1
12) ¢ — fim KX TN Ty

= =2
oo X+10 xo—x X410 o 10 1
X
13) C= lim 4x2 —9x—21—/4x’ —7x+13 = lim —x\/4—9—2—21+x\/4—z+§
X——0oC X——0C X X X X
9 21 7 13 34
=M X T @ Mo a [ 7B 22 2
| \/4—9—221+\/4—7+1::’ \/4——2+J4—+2 *
X X X X X X X X
4x*|x|—3x* +7x—1
14) C = lim
oo oy 41 2 X2 +3x
(4 3 7 1 4x 3 7 1
L I e R RV I
_ X X X X . X X X X -4

15) C = lim +4x* —4x+1+42x+3 =3+ lim

X——00

—X /4—ﬂ+i2 +2X
X X

X——00

a_gst 1 4=
=34 lim |x X_X =3+ lim X 3+—=4
o 4 o [ 41
4——+ 42 4——+ 542
X X X
16) C= lim | x—1 3-x .
X 5—3x—X
1 21
= lim |x|1—= X
X——o0 X 2 5 3
e e

17) C= lim +/16x° +3x —4x+5

X——+00

=5+ lim X1/16+§—4x =5+ lim |x ,f16+§—4]
X—+00 X X—+400 X
16+§—16 3
=5+ lim |x X

=5+ fim 33 =5+ 4:5+§:§.
X——+00 X——+00
,,16-1-;4-4 \/16+X+4 +

Fb: ThayTrongDGL
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

2x° 4+ X
X°—x*+3

18) C = lim

X——00

= lim [x

X
X——00
X° [1—

19) C= lim x—3—+/x*—x+1 =-3+ lim

X—+00 X——00

X—X /1—14-%
X X

1 1
1 1 1-1+———
=3+ lim xl—,/l——+—2 =—3+ lim |x X _X
X——0C X X X——00 1 1
1+\/1—+2
X X
1
. 1= 1 5
=3+ lim X =_34==-21
X——00 1 2 2
1+ 1—*4—7
X
Bai 4.
) 2x% + X . - 2x% + X )
D lim |x. = lim |x. ) =lim| -1 —\/5.
) X——00 5 X2 _+_3 X——00 X2 X5 X2 +3 X——00
2+3
2|x|+3 ey
2) lim JL: lim ZXI_B : = lim ﬁzz
X“4+X+5 x i B 1+;+7

X X X
1 2 1 2 .1
I XL+ =+ +3x+1 LA
3) lim YX EXHF2H3XHL X_X ~ tim XX x_183_,

X—+ox 2 _ X—+00 X—+00 o 2—1 o
VaxE +14+1-x x\/4+X12+1—x \/4+X2+X—1

2 1 2\/ 3 1 3
42 2 X \/2—2+X 1+— 2— =+ [1+=
4 tim 32 X5 2xe 3 lim X X — lim X X :_ﬁ;l.
n X ) X a Xz [ - 2] a [ - 2]
X X
1 5 1 1 5
_ 2 — 2X—=1+43X,[4+-—— 2— =434+ -
5) lim 2X—IENAEXTS VX X x x x’_8

X—tooq 2 X—+400 X—+00 5.
1=3x42y9%" =x+10 1-3x +2x /9—)1(+i(2) )1(—3+2,/9—)1(+i?

1 1 1 1
— —3x\/1—2—x\/3—8 —3\/1—2—\/3—8
6) "m‘B\/x —1-31-8x — lim X X — lim X : X :_1_
e 6x+9 e 6X+9 e 6+° 6

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

3 1 3
2x—1 —x ,J1—— 2—=| -1, 1——
. 2Xx=1X*-3 _ [ ]
7) lim ——= lim > X— lim X X :E.
X——00 X J— 5X X——00 X _5X X——00 E o 5 5

[ [ 3
Ja 131 X+ X 4+——— 1+ 4+———
8) lim Ax +3x = I|m X I|m ;(
9X —X+3—-5x—-3 _x ’9_7_|_7_5X 3 o /9_7_1_?_5_*

2+—
9) lim \/ 2x+1 = lim ix+1 1— lim =—=1.
X——400 X—+00 X—+400
X XX X \/1—+x\/1+ \/1—+\/1+
8+°>
10) lim 8x+3 = lim 8X+31 == lim )1( - =2
6X+4x +x+3 6x—x\/4++2 6—\/4++2
X X X X

1 1 2
21 X fl+——7x+2 / ——714+—
11) lim X +1-7x+2 = lim = lim X

2
X—400 x—>+x X——+00

X
X—2x /i—f 1- 2/7“
2
12) lim X+2“1 2X_| X__ X _ fim — XX

——00 X——00 1— X——00

Bai 5.

D lim x*+x—x = lim

X——00

= lim

X——00

X =+400 .

—X /1+1—x
X
— f1+1—1]:—2.
X

2 2
2) lim VX —ax—x — lim 2 ==X i = 5

X——+00 X—+00 2 X—+0C
\} X
X+2—
3) lim yx+2—/x—2 = lim i
X—+00
/1+ /1_]

i
X

Vi lim x=—oova lim

X——0C X——0C

Xﬂ+x\/x_’_2+,\/x 2 X~>+X

Vi lim — _Ova lim

X—+00 ’ X—r+00

R

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

X>4+x— x*+1 _
4) lim x*+x—\x* +1 = lim — lim f ! -
G T
X X
1_1
= I|m
- +_\/1+
X2 4 Ax4+1— x+2° —
5) lim X +4Ax+1—x—2 = lim ~— == X2 _ i 3
X——400 X——400 X—400 4 1
VXE - AX L X2 X f1+;+7+x+2
— lim 3 =0.
x—toc 4 1 2
X[l 4145
X X X
x> —3x+5— x+1° _
6) lim Vi 35 +x+1 = lim S22 T jim x4
VX2 —=3x+5-x-1 [—x ,1—3+52—x—1]
X X
4

3 2 3
7) lim 327x*—x* —3x = lim 27X —X 20X
o 31— %2 +3x\/27x X? +9x?

—x? . -1 1

im = 1im =——.
X—+00 1 2 1 X—+00 1 2 1 27
X 3/27—f +3x23/27——+9x2 327 — = +3s/27—f+9
X X X X

8) lim 2x— A< +2x—1 — lim XA 2L —2x+1
X—r+400 X—+00 2X+m X—»+x 2X+X 4+g_ 1

1

= lim X ———

X——400 2 1 2
2+\/4+—2
X X

2x—3 % —4x? —4x—3 _
9) lim 2x—3—+/4x* +4x+3 = lim = lim 16x+6

o TEX X —34/AX% +4X+3 T 2x—34/4X° +4x+3

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

1642

— lim X — 4
(g 43
24 4+
X X X

—16x+6

2x—3+x,/4+ﬂ+32
X X

= lim

X——+00

4 2 A4 2
10) fim ax +3¢ +1-2¢ = lim 2 P AT iy :§ i
; JAX* +3x2 +142x Xz\/4+2+14+2)(2
X X
.
T :%'
%+%+ﬁ+2
42 +3x+1— 2x—4° _
11) 1im 4% +3x+1-2x+4 = lim X+ — lim 19x—15

X——+00 X—+00 ’4X2+3X+1+2X_4 X—+00

x,/4+3+12+2x—4]
X X

19-1° "
— lim X e
X——400 3 1 4
X X X
AX2 —AX+1— 2x+3° — 16X —
12) lim B¢ —ax+1+2x+3 = lim — T2 iy 16x—8
* JAXS—4x+1—-2x—3 ‘ [—x 4_4%_12_2)(_3]
\/ X X
—16—§
= lim X —4
_u_4+g_2_1
X X X
32 3 3 23 2
13) lim X+ 4X° —X _ lim X*+4x° —X 2X ++/4x% —3x :

i o) \Jax? —3x | A —AxP 43X 2 x¥ax2 —x* + Y4x? —x3

3
2+J4——
— lim |2 X 16

X——400 3 '
gt

8x®+1— 2x—1°
14) lim 3Y8x*+1—2x+1 = lim *

X—+00 X——+00 2
’ TYex 1l 4+ 2x—1 8 +1+ 2x—1°
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

12 + 2
2_ -T2
~ lim 12 oxy2 = lim : XX =1
e 1+ 2x-1 e 1+ 2x-1t T 1 Jo L 1
o +5+[2-=
X X X X
¢Dang 4. Gié¢i han mot bén x — x; hoac x =X, .
Phwong phap giai:
- Str dung cdc dinh ly vé gidi han ham sé
Chiy: X—> Xy = X>X = x-%, >0
X=Xy = X<X =>X—% <0
O ViDU
Vidu1. Tinh giéihan A= lim 2X_13. Ps: .
x->1" X —
Loi giai
lim 2x—3 =-1<0
X—)l+
Vi llim x—1 =0 SA-limZ 3
x—1+ x—1t X —1
X—1"=x>1=x-1>0
Vidu 2. Tinh gioi han A= lim X_125. Ps: .
x—=2" X —
Loi giai
lim x—15 =-13<0
o _15
Vi llim x—2 =0 = A= lim T2 =
w2t x—2t X—2
X—2"=x>2=x-2>0
, . . 2—X _
Vidu 3. Tinh gidi han A= lim 3y Ds: —oo.
x—3 59— X
Loi giai
XI|Hr1317(2—x)=—1<0 -
Vi < lim(3-x) =0 = A=Ilim=—"=—w.
x—3" x—»3" 3—X
X>3I =>x<3=3-%x>0
Vidu4. Tinh giéi han A= lim x+1 . Ps: +oo.
x>2" 2X—4
Léi giai

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

Iir?(x+1)=3>0
Vi {lim (2x—4)=0 = A=tim 2 oo
x—2* x—2t 2X —4
X—>2"=>x>2=2x-4>0
, . . X—5
Vidu5. Tinh giéi han A= lim 5 Ps: —x.
x—>4’(X_4)
Lai giai
XI|%r£r117(x—5):—1<0
Vi Iim(x—4)2=0 = A=1lim x—52:_oo
X—4~ X—>4" (X _ 4)
x—>4‘:>(x—4)2>0
Vidu 6. Tinh gid¢i han A= lim 3X_82. Ps: +w.
x—3" (3_X)
Lai giai
lim(3x-8)=1>0
X—3"
Vi Iim(3—x)2:0 = A= lim 3X_82:+oo.
X—3" X—3" (3 _ X)
x—>3‘:>(3—x)2>0
2
Vidu7. Tinhgiéihan A= lim 2X+—5X23 Ps: —oo.
(9" (x+3)
Loi giai
. 2 - 2x-1)(x+3 ] _
Tacd lim 2X+—5X23: m %: lim &
(-9 (x+3) (9 (x+3) x-(-3)" X+3
Ii(m)+(2x—1):—7<0
x—(-3
2 —_—
Vi lim (x+3)=0 o A= lim ZXEX3_
(-3 o3 (x+3)
x—>(-3) = x>-3=x+3>0
, . . 1 1
Vidu8. Tinhgigihan A= lim| —-— . Ps: —x.
x>\ X—2 X" -4
Lai giai

. 1 1 . X+1
Taco: A= lim| ——— — lim—==
aco XLT(X—Z x2—4j XLT’(X—Z)(X+2)
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

Iirzl(x+1):3>0
- . 1 1
Vi < | -2 2)|=0 A=1 _—
lim[(x-2)(x+2)] = XL”;(X_Z v 2

X—>2 =>x<2=(x-2)(x+2)<0

: . . 12-x|
Vidu9. Tinhgi6i han B = lim ————.
x>2" 2X° —=5X+2

Loi gii
Vi X—>2’:x<2:>|2—x|:2—x

2-x 11

Dodé B=lim—2"X  _| __2
0 O ) (2x-1) ot 2x-1 3

. o _[x=3|
Vi du 10. Tinh gigi han B = lim ——-.
x->3 5X—15

Loi gidi
Vi x >3 =x>3=|x-3=x-3

Dodé B=lim—>=2 _jimi=-L
X3 5(x_3) x> 5 §

® BAI TAP AP DUNG

Bai1l. Tinh cac gidi han sau:

X_
1) A:IimL—]J. ps: L.
-1 2X° +X—3 7

2) anmhﬁfﬂ.

X2 X—2

Ps: Khdng ton tai.

g
3) C=lim——.

x>3 X—3

Ps: Khong ton tai.

Bai 2. Tinh cac gigi han sau:

1) C = lim 2x2 —2>2<+|x—1|\/x+3.
X1 X —2x+1

2) c=lim =2

o2 \fx—1-1
VX3 =7x+12

3) D= lim Y2 2722

x—3" /9_)(2
Vx> -5x+6

4) D=lim X2 2222

X
X—2" /4_ X2

Ps:

NI

Ps: 2.

Ds:

5~

Ds:

N |-

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

5) D = lim Y2 X+ X=1 Ps: 1.
x—1 ,XZ—Xg
6) D=lim(1-x) X—+5 Ps: 0.
x>t X} +2x% -3
’ 3
7) D=lim ﬂ Ps: ﬁ
x>t X* —bX+4 3
.. . . . i 5x* —6x° —x khix>1
Bai 3. 1) Tinhgidi han C=lim f (x) véi f(x)= XX =L Ds: -2
Xl x® —3x khi x <1
. . i X—3 khi x <1
2) Tinh gigi han C =lim f (x) va&i f( : bs:-2.
Xt 1-V7x*+2  khix>1
3x—-2 .
. kh -2
3) Tinh gi¢i han C = lim f (x) v6i f(x)=1 x+1 e bs:8.
Xx+10 khix>-2
x*+1 .
.- . 2 s ; kh -1, .. .
Bai4. Tim m déhamso f(x)=< x+1 e gigi han tai x=-1.
mx> —x+m*  khix>-1
Ps: m=1 hoac m=-2.
® LOI GIAI

Bail 1) A_nmﬁ
-1 2%+ X—3

Vi x>1 = x<1=|x-1=—(x-1).

Dodé Actim— Y L1
o (x=1)(2¢¢ +2x+3) v 2 +2x+3 7
2) B= I|m|X 2|
X2 X — 2

+) Vi x> 2 = x<2=|x-2|=—(x-2) nén lim _(X_Z): lim(-1)=-1.

x—=2°  X— 2 X—2"

+) Vi x>2"=x>2=|x-2/=x-2 nén limX=2 _ lim1=1.

Xx—2" X — 2 X—2~

X—2 X—2 X—2
Suy ra lim | | = lim | | nén khdng ton tai gii han cua B—I|m| |
=20 X—2 xo2" X=2 x—2 X—2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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]
3) C=lim——
x>3 X—3
Taco C:Iimw. Do d6:
x—3 X—3
2
-9
+) Iimu: Iimw lim x+3|=6
x—=3" X—3 x—3" X—3 x—3"
2
-9 (v _
+) lim u: lim ~(x=3)x+3 lim (~|x+3))=-6
X—3" X—3 X—3" X—3 X—3"

x*-9 L
Suy ra gigi han cia C = Iimu khong ton tai.

x>3 X—23

. 2x2 — 2%+ |x~1l
Bai2. 1) C=lim2 X+|X Vx+3
X1 x*—2x+1

Vi x>1 = x-1<0=|x-1=—(x-1). Do d6

o 2x(x=1)—(x=1)x+3  2x—+/x+3 4x* —x-3
C=Iim 5 = lim =lim
= (x-1) of o x=1or (x-1)(2x+/x+3)
_lim (x—1)(4x+3) lim X8 4x+3 7
T (x=1)(2x+x+3) T 2x4x43 4
2) c = lim =2
-2\ x-1-1

Vi x—>2 =x-2<0=|x-2|=-(x-2). Do dé:

C = lim ~(-2)(Vx-1+1) _ lim [—(Jﬁuﬂ -2,

x—2" ( X _1) -1 X2

X2 —Tx+12
3) D=lim Y2 X122
X—3" ,9_)(2

x 3 x—4 ,/ X A/ _
Ta co D—nm" X _jimYAzx_ 1
x—3~ , 3 X xeS ﬂ/ ,[3_,_ x—3~ 3+ X \/6

, 2
x—>2 [4_X2

x 2 3 ﬂ/ J3— _
Taco D=lim 2-x. I' 3 X:
x=>Z ,/ 2—-x)(2+x) \/ \/2+ -2 2+
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5) D ljm Y- X+x-1
x—1 X2_X3
JI—x —(1- Ji- —«/1— 2 _f—x

Taco D:Iimlx—(lx):lim ) _lim %

x—1" Xz(l—X) x—1" |X|\/1 X x—1"

X+5

6) D=Ilim(1- _
) XLT( ) X% +2x% -
Tacd D=Ilim

x—1"

7) D=Ilim

[J “1) (x+5) }“m[ (x—1)(x+5)
x+3x+3) x> X* +3x+3

\/ —-3x+2

x>l X2 —BX+4

Taco D=Iim

x—1"

Bai3. 1) Taco:

1/ x+2 \/x+2 . X+2
—I|m =lim
(x—4) xor

b )

+) lim f (x)= Iim(x3 —3x) =-2.

x—1" x—1"

+) lim f (x) = lim (5x* ~6x* ~x) =5-6-1=-2.

x—1*

1-x 1

X

}:o.

+) Vi lim f (x)=lim f (x)=-2 nénham s6 f (x) c6 gidi han tai x=1 va

x—1" x—1"
leir}f(x):—Z.
2) Taco:
+) !I_T f (x):!LrI](x—3):—2.
+) lim f (x )—Ilm( —\/7x2+2):—2.
x—1" x—1"
+) Vi !LT f (x):!Lrp f (x)=-2 nén C=limf (x)=-2.
3) Ta co:
. 3x=2
lim f(x)= I =8.
*) I(r_rz]) () XJ(T)* x+1
+) lim f(x)= lim (x+10)=8.
) Jim £(x)= lim (x+10)
+)Vi lim f(x)= lim f(x)=8 nén C=Ilim f(x)=8.
Vi lim £ (x)= lim £ (x) lim £ (x)
Bai4. Taco:

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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x3+1

+) lim f(x)= 1l =i Z-x+1)=3.
)XJ(T)* (x) XJ(T)* X+1 xJ(r_q)*(X X+)

+) lim f(x)= lim (mx* =x+m?)=m?+m+1.
) x—(-1)" ( ) xe(—1)+( )

+) Pé ham s6 ¢6 gigi han tai x=—1 thi
m=1

3=m2+m+1<:>m2+m—2=0<:{ .
m=-2

#Dang 5. Giéi han ctia ham sé lweng giac

Phuong phap giai:

- St* dung cdc dinh ly vé gidi han ham sé
- Str dung cdc céng thire bién déi luong gidc

Ly lim 20X g
x—0 X
O ViDU
Vidy 1. Tinh gi6i han A= lim-23n*~1 Ps: Ac—1.
H%4003 X—3 2
Loi giai
.. . 2sinx-1 . 2sinx-1 . 2sinx-1 . -1 1
Taco: A=lim-—tii = = _ = lim = fim =2,
x>t 4C0S°X—3 (7 (1—S|n2x)—3 wrl—4sin’x  ,,z1+2sinx 2
6 6 6 6
Vidu 2. Tinhgi6i han A=IimM. Ps: A= 1.
X% 2cos” x—-1 2
Loi giai
Taco: A—lim¥2SNXL o N2sinx1 o Vosinxd g 11
o 2008° X1 2 2(1-sin’X)-1 «f 1-2sin°X  orl+4/2sinx 2
4 4 4 4
Vidu3. Tinh giéi han A= limSS#*~1 Ps: A=0.
x>0 SIN4x
Loi giai
.. _c0s4x—1 . cos®2x—sin®2x—cos’ 2x —sin® 2x
Tacd: A=lim———==Iim -
x>0 Sin4x x>0 2sin 2xc0s 2x
—2sin®2x . —sin2x _

0.

——  =lim
x>0 25N 2XCO0S2X  *~0 COS2X

Vidud. Tinh giéihan A= lim=_SIN2X=C052X Ps: A=—1,
x=01+5in 2X —C0S 2X

Léi giai

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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] _ 1-sin2x—cos2x . 1-2sinxcosx—(cos’ x—sin’x)
Taco: A=Ilim - =lim - > ——.
x—01+5SIN 2X —COS 2X H01+2$|nxcosx—(cos X—sIn x)

2sin? x—2sinXcosx - 2sin x(sin x—cos x) SinX—cosXx

=lim— - = - . =lim= =-1.
x-0 28In“ X + 251N X COS X H025mx(smx+cosx) x-0 SN X + COS X
® BAI TAP AP DUNG
Bai 1. Tinh cac gidi han sau:
1) Az limitSIN2X=COS2X B A_ 1. 2) Aclim—SM2X  pe A——1.
x-01—5sIn 2X — CoS 2X x—01—5sIn 2X — COS 2X
3) A= limIMXZSINSX g A—2. 4) A=limSNOX=SIN3X B A=2.
x>0 sin X X—0 sin X
5) A= limi—C%X. Ps: A=0.
x>0 sin X
6) A= lim cosBx+_2cost+2. Ps: AZZ\/§.
s sin 3x 3
7 A:”ml+sm2x+c032xle: A?D
N4 COoS X
2
Bai 2. Tinh cac gidi han sau:
1-cosax a) sin5x
1) B=lim———. Ds: Bz[—j : 2) B=Ilim : Ps: B=5.
x-0 1 — cos bx b x>0 X
3) B:IimSIn5X'Sm?;X'SmX. Ps: le. 4) leiml—cgsx. Ds: le.
X0 45x 3 x=0 X 2
2
5) B=lim> %X Ps: B=22. 6) B=lim™—%%2X Ps: B=2 .
x-01—c0S3X 9 x=0 X 2
_ 2 i —
7) B = limi=9% 2X. Ps: B4, g) B=limIN* X pep- 1
x>0 XSIN X x—0 X 2
—gj _ 3
9) B=lim@XSNX — pg g1, 10) B=limi=% X Ps: B=>.
x>0 §In° X 2 x>0 XSIN X 2
Bai 3. Tinh cac gidi han sau:
cos8x —1)sin? 3x B B
1y Bt S e s, BBl pgp L
x—0 3.X x>0 §In 2X 2
_ _ 3
3) B=limT0OSVCOS2X g g3 4) B = lim I YCOSX Ds: B=1.
x—=0 X 2 x>0 tan® X 6

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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3
5) B lim \/tanx -1 1

DPs: B=-.
X+25|n x—1 3
6) B=Iim \/1+tanx—3\/1+smx . Ps: le. 7) B=lim l—Lsxz. Ps: B=2.
x—0 X 4 x—>0(1_ 1—X)
2_
8) B=Iim w. Ps: B=1. 9) B=Ilim 1-2x+1+sinx .Ps: B=0.
x—0 X x%O \/3)(_+ 2—X
_3[y2
10) B = lim \/2x+1_ X +1.D
x>0 sin x
Bai4. Tinh cac gidi han sau:
1) C =lim| tan2xtan 7 _x|]. Ds: C=1
x>7 4 2
4
2) C:Iim1+COS)2(. Ds: C=1
X_"[(X—ﬂ') 2
sin 1 _
3) C=lim M Ds:C=—1.
or X2 —AX+3 2
4) C = lim2"X=sha Ps: C =cosa.
X—a X_a
® LOI GIAI
in2x— 1+ 2sin xcos x —( cos? x —sin? x
Bail 1) A=lim 1+sin2x—cos2x . ( )

0 1_8in 2X — C0S 2 H°1—23inxcosx—(coszx—sinzx)'

_lim 2sin’ X+ 2sin xcos X Iim23inx(sinx+cosx)_”msinx+cosx_ 1
H025|n X —25in Xcos X HOZsinx(sinx—cosx) x=0 Sin X —COS X '

sin 2x . 2sin xcos X
2) A=Ilim =lim . . ——-
H01 sin 2X —c0s 2x HO1—23|nxcosx—(cos X—=sIn x)

25sin X cos X ) 2sin X cos X . COoS X
=lim =lim— - =lim— =-1.
X~025|n X—2sinXcosx x>0 2sinx(sinXx—Ccosx) *>0sin Xx—Cos X

sin7x—sin5x ,. 2cos6x.sin X
3) A=li _—=I|m_—_I|mZCos6x 2.
X—)O S|n X x—0 S|n X x—0
sin5x—sin3x .. 2cos4x.sinx .
4) A=lim—————— =lim————— = =1lim2cos4x=2.
x—>0 S|n X Xx—0 SIN X x—0

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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5) A=lim==%X _ jim 2 _lim—2-0.
x—>0 sSin X X—0 X X—0

 COS3X42C0S2X4+2 40033x—3003x+2(coszx—sin2x)+2
6) A=lim _ =lim _ —
x2 sin 3x - 3sin x—4sin” x

_lim 4.c0s® X —3¢c0s X +4cos? X i coS X(4cos2 x—3+4cosx)
-7 sin X(3—4sin2 x) % sin X[3—4(l—cosz x)]

“mcosx[(ZCOSX*l)z_ﬂ_“mcosx(2cosx+3)(2003x—1) Iimcosx(2cosx+3) 243
_HE S|nx[4cos X — 1] _H, sinx(2cosx—1)(2cosx+1) . sinx(2cosx+1) 3

. 14sin2Xx+c0s2x ,. 2c0s* X+ 2sin Xcos X
7) A=lim =lim
ok COS X . COS X

2c0s x(cos X +sin x)

=lim :Iim2(cosx+sinx):2.
x—Z COS X x—Z
2 2
2sin? & sin & bx 2 2
Bai2. 1) A=limi oo m—2 =lim( & —2 2 :[Ej,
x-0 1 —cosbx X—> 25in2— x-0| p ax sin 2% b
2 2 2
. ax bx
sm7 o
2
2) B=lim S'”szlim(as'”&j 5. (Vi lim 3% _1),
x—0 X x—0 5x x=0 By
3) B = lim sm5x.sm?;x.smx:"m(5|n5x.3m3x.smx.1j:1
x>0 45x x>0\ 5x 3X X 3 3
(V‘| “msm5x:1’ IimS|n3x_l lim smx _1).
x—>0 By x->0 3x xeo X
L, X ., X
2sin? = sin® =
) B=tim* ¥ jim—2-1 i lim—2 -1,
X—0 X x>0 (g 2 x>0 "y
L s
2) 3)
25X Sinzg %
. 1-cos5x . 2SN 2 2\2) 25| 25
5) B=li im-———"= I|rr01—3X:|mg — s~/ 22
x>01—Cc0o0S3x x— 2sin2 X X— (5)() _sinzg—x 9 9
2 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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5 U

S -

(Vi lim—2 =1va lim~52_ X
"

x—0 5X er

2

1-cosax . ZSinzagx
6) B=lim————=Iim :

x—>0 X2 B x—0 ax '
2

sin®2x .. 4sin® x.cos? x (smx

INEN
I
|
2
5

7) B=Ilim =lim - =lim| =—=.4co0s’ x
! X.sinx x>0 XxsinX x>0\ X

-

SInX
4, (vi lim
an X

=1).

sin x—tan x COSX _ jim Sin X.cos X —sin x

8) B=lim = lim

an X3

_—sinx(1-cosx) . | -2sinx 2 -2 -1
=lim 3 =lim . =.
x—0 X° COS X Xx—0 X (Xj

tan x —sin X

x—0 X x—0 X3 COS X

9) B =lim—— = lim

3

COS X _lim sin X —sin X.cos X

x>0 sin° X x>0 sin® X x>0 sin®x cos x

., X
2sin? =
1-cosx . ]
— lim —lim 2 — lim
al SiN®X.COSX x>0

=lim

-2 X 2 X x—0 2 X
4.sin E.cos E.cosx cos E.cosx

1
2

., X
(1-cosx)(1+cosx+cos’x) 2sin’ > (1+cos x+cos” x)

10) B=Iim .
x—0 XSIn X x—0

X

sin— 2
. 1 -
_lim 2_ +C0S X +C0S” X =§,(VI IergTzzl).

o X 2C0s X =
2 2 2

Y .
Bai3. 1) B_“m(\/c058x—1)sm 3x_|_ (cos8x—1)sin®3x

. X X
2X.SIn —.C0S —
2 2

—2sin? 4xsin?3x

M a0 a0 (JaosBxo1) " 3¢ (VoosBx +1)

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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- sin4x )’ (sin3x )’ -96
= lim . , =_48
X0 4x 3X Jcos8x +1

2) B=lim 1-v2x+1 —"”3{ 2X -1 }:_1

8 sin2x SiN2X 1++/2x+1 2
2 a2
3) B =lim 1-cosxycos2x _ . =~ 1-cos’xcos2x . 1-cos® (1-2sin” x)
_x—>0 X2 _x—>0 2 _x—>0 2
x? (1+ cos x+/cos 2x x? (1+ cos x+/cos 2x
i sin® x+cos® x—cos” X(1-2sin*X)  sin? x+ 2sin? xcos? X

X0 G (1+ C0S X+/C0S 2X ) e (1+ cos x+/cos 2x)

_lim (sinxj2 1+2c0os’x  |_3
=0\ x ) ‘1+cosxycos2x | 2

1—3/cos x 1-cos X
4) B_I Ot—z I 0
x> an‘ X x-0 sin? x
(1+\/cosx+\/cos x)
cos® X

., X
4sin® = cos® x

_lim 2 cos’ X 1
- Zsm (1+\/cosx+\/cos x) 2cos (1+\/cosx+\/cos x) 6

x

3
5) B — lim \/tanx -1 _lim tan x -1

H,Zsm x-1 Hf(sm X — COS x)(\/tan x+\3/tanx+1)
Sin X —Cos X

= lim COS X =lim 1

7 (sin” x—cos x)(%/tan2 x +3/tan x +1) x5 c0s X (Sin X +Cos x)(i‘/tan2 x +3/tan x +1) B

6) B = lim \/1+tanx—3\/1+smx im tan x —sin x

x>0 3 (J1+tan X ++/1+sin x)

x—0 X

2sin xsin? 2
. sin X —sin X cos X .
=lim =lim

=0 y3 cos x(\/1+tan X +~/1+sin x) =0 y3 cos X(J1+tan X +~/1+sin x)

2
sin X
.| sinx 9 2
=lim 2

o0l x| X '4(\/1+tanx+\/1+sinx)
2

1
4

Wik

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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2
25in? X (141 x i sin > (14 =%\
7B =lim——* __jim | ):Iim 2 ( - )

2 x—0

X
2

2
x>0 X 0 2(\/1+x +cosx) i 2(\/1+x +cosx)

2 2 2 2 = 2
1+ X —COSX 1+ X —c0os” X X +SIn° X
8) B=Ilim

=lim

sin’ x
“0( \/1+x +COS X \/1+x +cosx} 2 2
1 N2X+1+sin x —lim 1-/2x+1 lim sin X

" V3X+4-2-x HO\/3x+4 2-X HO\/3x+4 2-X
i —2x(\/3x+4+2+x) y sinx(\/3x+4+2+x)

=|lim +1m

Ho(—xz—x)(1+\/2x+1) =0 —X(x+1)

: _2(V3X+4+2+X) sinX «/3X+4+2+X

=lim +I|m .

Hf’(—x—l)(l+\/2x+ X —x-1

=4-4

=0.

9) B=

4—

10) B =lim \/2x+1—\3/x2+1_Iim\/2x+1—1+1—\3/x2+1_"m\/2x+1—1+"m1—\3/x2+1
N . —

HO sin x X sin x x>0 s§jn X x>0 sin X

2 2
=lim +1lim

H03|nx(\;2x+1+1) HOsmx(1+\/x +1+1/ X +1 j

Bai4. 1) C-= Iim{tan 2xtan (%—XH

T
X—=
4

Pit t:x—%,v‘l x—>%:>t—>0. Khi do:

C =Ilim tan(2t+ J( Dtant —Ilm(cotZttant)—Ilm cosZZt :1.
-0 2 t>0 2¢cos°t 2
2) C:”m1+cos>2<
x—m(x_ﬂ.)

bat t=x—7x, Vi x> 7=t —0. Khi do:

it
_1-cost . 2SI 2 1
C=lim =[im ==,
t—0 t2 t—0 t2 2
sin(x 1)

3) C=lim
x> X2 —4X+3

Page45
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bat t=x-7x, Vi x—>1=t—0. Khi d¢:

C —lim S:n(x_l)=lim sin(x—1) iim sint =_l_
or X2 —4x+3 o (x-1)(x-3) ©ot(t-2) 2

.__sinx—sina
4) C =lim————
X—a X—a

bat t=x-a.Vvi x—»>a=t—0. Khi d6:

2«:03t+2a sint
sin(t+a)-sina s
C=Iim in(t+a)-si =lim 2 _cosa.
t—0 t t—0 t
2.t
2
C. BAI TAP REN LUYEN
Bai 1.  Tinh cac gigi han sau:
2 [—
1lim2 2 ps: 2. lim X215 PS8
X3 X°—X—6 5 >3 X-3
2_
3. lim 23 ps: 4 lim X2 ps: L.
>3 X" +2X—3 4 -2 X -4 4
2 _ 2
5. Jim X 3X*2 ps: 6. limX —/X*12, ps: L.
x>2 4—X 4 X3 X° -9 6
2 2 _
7im ps: 2 8. limX X0 ps: 2
-1 X°+3x—4 5 x-2  X©— 4
2 _ 2 _
9. ljm 2X +3x~14 ps: & 10. lim -~ 2 pS: 3
x->2 X" -4 4 >3 X° —4x+3
2y 2
11. lim 23X ~X~10 ps: 2. 12. lim* =X ps: L.
x=2 4X° +X—18 7 x5 X° —25 2
13, lim— 2% ps:2 14, lim 27X ps: 2.
x>2 2x° —10x +12 x>2 2X° —X—6 7
2 2
15, lim X 2%+ ps: 1. 16. lim X - 2*X+20, ps: L.
x>3  X° —3X 3 x5 X“ —5X 5
2 2 —
17. lim 2 ~10X+3, PS: 8 18, lim X F2*=3 pS: 4
x>3 X°—5X+6 >3 2X° —x-1
3 _£y2 4_
19, lim X=X +6X. ps: X 20. lim X 26| pS: -16.
>3 QX 2 x>-2 X" +6X+8
3 3
21. lim—>— X pS: 12 22. lim 2% ps: 12
x>2 X° —5X+6 x>-2 X" +11x+18 7

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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2 _ 3
23, lim X X2 g 2dal gy, X8 ps: 12.
N2 X322 6 X2 X* —3X+2
3 x+1)" -1
25, lim X 22 ps: -2 26, tim Y L ps: 3.
x>—2 X2 =2 2 x—0 X
x+1)° —27 ‘
27, lim ") =27 ps: 27. 28. lim—X —27%_ ps: 9.
x>0 X >3 2x°-3x-9
3 B2 . 3 B2
29. lim X=X HIX=8 g o 30, lim X =X 2+l g g
X—>2 X—2 x—1 X =1
3S_oy_ 3 2
31, lim X 2* "4 ps: 2. 32. lim X3 2 ps: -2,
x>2 X -4 2 x>2 X°—X—6 5
2y 3 _x2_
33, lim 2 ~*~10 pS: > 34 lim ¥ X X+ ps:2.
x>2 X°—X+6 11 x>l X" —2x+1
2 3 _ 2 _
I ps: 2. 36. lim X2 X2 pg 3,
x>2 X° —3X—2 9 x->2 X —4 4
2 3 4y
37, lim X1 ps: 2 38, lim X X —2X+3 - pg, 1
x-1 2% +x2 =3 8 x—1 3x°—2x-1 4
3,v2 By 3 _
39, lim XX X2 pS: 11 40. lim ZX X +3 pS: -1
x>2 X" —=3X+2 x>l X°—3X+2
2 _ 3
41. lim - X —2%~8 pS: -2 . 2. lim— % ps: 3.
x>-23X° +4X° —X+6 19 x->1 X" —4x°+3 4
3 B2 3 B2 _
43, 1im X=X A9 pig, 44, i XX AL g 2
x>3 X" —8x" -9 H% 9x" +8x° -1 5
— 3_
5. lim X 2/% =3 ps: 2 46. lim X =3X+2 ps: L.
o1 —5X +4 3 x>l X" —4X+3 2
5 4 _ 4 3
47 lim X222 pg 1T 48 limX X=X+ pg 3
X—>2 x2—4 4 x>1 x° —5x° +7x—3 2
3 B2 9y 3 2
49. lim 2X 79X Z2X=3  pg 11 50. lim 2 X +ax+l g 1
x>8 4x° —13X" +4Xx—-3 17 x>-1 X*+ X" —x-1 2
3 BEy2 oy 32 o3
51, fim 25X =28 o 11 5. i V-2l po L
x>8 4x° —12X° +4x—12 20 -l (x=1) 9
53 i 2X HEC AT —Ax-4 o 7 54 lim 23 =3 +X+9+7/3 DSJ\/§
o2 3x° +14x% + 20X +8 S 4 " xo-\B 3-x? "6
4 3 2 _ 5 4 3 2 _
55 Iimx4 5x3+9x2 TX+2 PS: 0. 56. [im XX +x2+x +X-=5 pS: E
1 X" =3X"+ X" +3x-2 x-1 X" -1 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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57, |im(i— 2 ]Ds; L 58, |im(i— 12 ] 1
o x-1 x°-1 2 x>2\ X-2 X -8 2
59. Iim( 1 jDS: 2. 60. Iim(2X_3—X_2?j ps: .
x>2\ X°—3X+2 X°—-5X+6 2\ X+2 4-X 2
61. Iim( S jDS 2 62. lim L2030 7L g,
oL X +X—-2 x°—1 9 x—>0 X
63. lim* L ps: . 64. lim X~ X+ -1 g, (122)(0 -1
x-1 x™ —1 m -1 (x=1) 2
100 2 n
65. lim*. —2**1 pg; 5. 66. lim XX Tt X TN pg, NN +L)
x>1 X —2x+1 x-1 x—1 2
Loi gidi
1im—2=3 _jim— X3 _im_t _1
3 X —x—6 o3 (x+2)(x=3) *3x+2 5
2 _
2. tim XX 15 i (Z3HD) 6y g
x—3 X—3 x—3 X—3 x—3
. X+3 . X+3
3.1 = li
O3+ 2x—3 -3(x+3)(x-1)
2 _ — —
4 x—23x+2:I (x=1)(x 2)=Iim TG S
-2 X°—4 o2 (x=2)(x+2) =3x-1 4 2x+2 4
& i x2+3x+2_II (x+1)(x+2):I x+1_ 1
o2 4o o2(2-x)(2+4X) >22-x 4
2 — — —
6. lim X —27x+12:i (x=3)(x 4):"mx 4_ 1
x>3  x*-9 3 (x—3)(x+3) *»»¥x+3 6
- x? -1 _Iim(x—l)(x+1): x+1_2
oL x243x—4 o1 (x—1)(x+4) ~Lx+4 5
g | x2+x—6_II (X—Z)(X+3): x+3 5
o2 x4 o2(x=2)(x+2) o2x+2 4
2 —
9 lim2X tsx—14:"m(x 2)(2x+7) _ i 2x+7 11
-2 X" —4 2 (x=2)(x+2) =2 x+2 4
2 _
10, lim— =0 i () i x43
3% —4x+3 3 (x=3)(x—1) *8x-1
2 _
e

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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2 —
12. lim>X —1i M—' Lzl
x5 x° —25 5 (Xx—5)(x+5) *sSx+5 2
2 -_ — —_—
13, lim—t X _jim (2-X)(24%) o Xx=2 _,
x>2 2x? —10x +12 H22(x—2)(x—3) Hz2(x—3)
2 _ VA .
14 lim 47X i (220N X2 A

2 2XE X6 o2 (x—2)(2x+3) 2 2x+8 T

2
15. limX ;5x+6=“m(x 2)(x=3)_. x-2_1
x-3 X —3X x—3 X(X—Z) x>3 2 3

Z — —_ —
16, 1im X=X+ 20 (A(XD) x4 1
x>5 X —Bx X—5 X(X—5) x-5 X 5

17. lim =lim

X—3 )(2_3X X—3 (X—Z)(X_g) x=3 X —2
2 p—
18, lim X2y CD(XS) _ x43

19. lim=—2 """ —lim

_ 24 4)(x=2 2 24 4)(x=2
20, tim X =16 _ i X HA)(x-2)(x+2)_ (< 4)(x-2) o
—>2x2+6X+8 2 (x+2)(4+X) x>-2 X+4
— 3 2—xX)(4+2 2
21. lim 8-x _ Iim( X)( i X+X)

-2 x* -5x+6 2 (x—2)(x-3)

3 2)(X*—2x+4 —(x*+2x+4
2. tim— 8¢ _ i O Jc-2xea) ) 12
2 x* +11x+18 x>z (x+2)(x+9) X2 x—3
. X -2x+4 12
— lim 2 =Xt 22
x>2  X+9 7

(X—\/E)(X—iﬂ/_) x—1+/2 2\/5—1.

23, lim X —X= = lim = lim
x>z x3—2J§ X—W’_(x ﬁ)(x +\/—X+2) fo +/2x+2 6
3 _ X—=2)( X +2x+4 2
24, lim—~ 8 =Iim( )(X* +2x+ )_"mx +2x+4 .,
x52 X —3X+2 x2 (X l)(X 2) x>2 X —1
3 X—\/E XZ—\/§X+2 2
25. lim_ 2 +22 im ( )( ) lim X 2x+2 32

o2 XE=2 o2 (x—\/f)(x+\/§) o2 x-2 2

Page49
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(x +l)3 -1 lim x® +3x? +3x

26. lim =Iim(x2+3x+3)=3.
x—0 X x—0 X x—0
3 _ x| (x+3)° +3(x+3)+9
27 i =2, [(x+3)'+3(x+3) Llim[(x+3)z+3(x+3)+9]=27.
X—0 X Xx—0 X x—0
28 | x—27x .. X(x=3)(x*+3x+9) X(X* +3x+9)
. 1m = =

I2XE3x—9 1 (x_3)(2x+8) 0 2x+43

X -5 +10x-8 _ . (x=2)(x*-3x+4)

29. lim =lim =Iim(x2—3x+4):2.
X—»2 X—2 Xx—>2 X—2 X—>2
3_py? ~1)(2x*-3x-1 2_ay_
30 lim 22X T SN G G I o Y
x-1 x* -1 ol (x=1)(x+1) -1 x+1

X-2x-4_ (x=2)(x*+2x+2) _ X 42x+2 5

31, li _ _5
R X—a A% (x—2)(x+2) -2 X4 2 2
3 2
30, fim X3 2x o X(XD)(x+2) L ox(x+) 2

o2 xP—x-6 2 (x+2)(x-3) x>2 x-3 5

2 —

3. lim 2X X0y (X+2)(2X25) e 2x#5 9

x>2 X®—X+6 X+2(x+2)(x2—2x+3) x>2 x*-2x+3 11

3 U2 _1)?

34, im XXX O D) iy

x>l XS —2Xx+1 x—1 (X—l) x—1

2 _

35 lim_ X =4 i XA+ xv2 4

x—>2 X3 —3x—2 Hz(x_z)()H_l)? Hz(x+1)2 o

3_2x° - x—2)(x*-1 2
36. lim X2 x+2_ (x=2)(¢-1) . x*-1 3
X—2 X -4 xX—2 (X—Z)(X+2) X—2 X+2 4
2 - —
37. lim ’ 3+3X2 : =lim x 1)2X+4) :|im2)(;4_§
-L 22X+ X =3 x-ol (X—l)(ZX +3x+3) x>1 2x2 +3x+3 8

3x3—4x2—2x+3_"m(x—1)(3x2—x—3) :“m3x2—x—3:_l

38 lim 5 =
ol 3x°-2x-1 -1 (x=1D(3x+1) ol 3x+1 4

XC+xP-5x-2 . (x=2)(xX*+3x+1) . x*+3x+1

39. lim— =li 11.
x>2 X" —3X+2 -2 (x—=2)(x-1) -2 x-1
3 _ _ 2 _ 2 _
40. Iimzi 5x+3:“m(x D(2x° +2x 3):Iim2X +2X 3:_1.
-1 X°=3x+2 1 (x=2)(x-1) -l X—2
2_ f— — f—
a1 fim —X 2x—-8 _lim (x+2)(x-4) im X 4 6

23 44X — X162 (x+2)(BX°—2X+3) 23X’ —2x+3 19

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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42.

43.

44,

1-x°  (X=D(=x*=x-1 _ —x*-x-1 3
lim————=Iim T =lim—— =—.
oL X —4x2+3 oL (X=D)(X°+x*=3x-3) 1 x*+x*-3x-3 4

X352 43x+9 . (x=3)(x*-2x-3) . x*=2x-3
lim— 5 =lim 3 > =lim— > =0
>3 X" —-8x°-9 3 (X=3)(X"+3X“+X+3) 3 X +3X"+X+3

Iim6x3—5x2+4x—1_Iirn (Bx=1)(2x* —x+1) lim 2x° —x+1
ol Ox* +8x* -1 ok (3x—1)(3x* + x* +3x +1) ok 13x° + x> +3x+1

X+ 24/X — 3 . \/_1)(\/;4-3) Jx+3 4

45. lim =lim =——.
XL x —5yX + 4 x—>1 (\/_ 1)(\/_ 4) o1 \/_ 4 3
3 2
46. lim x4 3X+2 _lim 2(x+2)(x 22x+1) ~ lim— X+2 :l'
L X —4X+3 oL (XT=2X+1)(X"+2X+3) 1 X" +2x+3 2

47.

48.

49.

50.

51.

52.

53. lim

54.

X =2x"+x-2 (x=2)(x*+1) . x*+1 17
lim 5 =lim =lim =—.
X2 X —4 -2 (X=2)(x+2) *2x+2 4

X" —x®—x+1 (X2 =2X+D(X* +x+1) ,. xX*+x+1 3

lim =lim =lim =——.
oL X —BX? +7x=3 =1 (X2 =2x+1)(x—-3) x>l X—3 2

lim 2x> —5x* —2x-3 _lim (x—3)(2x* + x+1) Iim2x2+x+1_E
x>3 4% —13x% +4x—3 H3(x 3)(4x2—x+1) >34x®P—-x+1 17

245X A+ (2x+)(XP+2x+D) . 2x+1 1
lim —— = lim > =lim ==.
x> X*+X"—x-1 o1 (Xx-D(X"+2x+1) 1 x-1 2

lim 2x® —5x* —2x-3 _lim (x—=3)(2x* + x+1) Iim2x2+x+1_E
o3 4% —12x% +4x—12 =8 4(x=3)(x*+1) =3 4(x*+1) 20
3[y2 93
e L N C o I Y

I e

2 +8x° +7X° —4x—4 lim (2x° -1)(X* +4x+4) _ lim 2x% -1
x>2 3x°+14x* +20X+8  x>2 (3Xx+2)(X* +4x+4) x>23X+2

_ !
7

2C -3¢ +x 49473 _ | (x+/3)(2X ~(3-2V3)x+7-33)
i 3-x2 i (B-X)(3+X%)

2 —(3-23)x+7-3\3 _73

- x—>—J— \/é X 6

55.

3 2 _1\3 _ _
lim X —5x7+9x 7x+2_Iirn (x=1)°(x-2) _imX 1

= = -0.
ol X =3+ X2 +3x—-2 o1 (x=1)*(x=2)(x+1) =1 x+1

2
2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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XXX+ +x=5 . (x=D(x*+2x> +3%x* +4x+5)
56. lim 5 =lim
x-1 X° =1 X1 (x=D(x+1)
_“mx“+2x3+3x2+4x+5_§
Xl X+1 2
57, lim| L — 2 jzlimx—_lzli 1.1
o\ x=1 x°=1) =1 (x=D(x+1) »>1x+1 2
58. lim| - — 2 j=|im (=(x*D) x4 1
x>2\ X—2 X —=8) 2(Xx-=2)(X"+2x+4) x»2Xx°+2x+4 2
5. lim| ——~——+— ):Iim 222 _jypy_ 2
x>2\ X°=3X+2 X" =b5x+6) 2(x-2)(x-3)(x-1) 2(x-3)(x-1)
60. "m(Zx—3_x—2§j:”m 2(x—5)(x+2):Iim Z(X_S):Z.
x>-2\ X+2 4-X x>-2 (X=2)(X+2) x»2 x-2 2
61. Iim( 1 J=Iim DYy XL 2
O X T +X—2 X°=1) =1 (X=D(X+2)(X“+x+1) =1 (X+2)(x"+x+1) 9
_ 2
62, Iim(1+x)(1+2x)(l+3x) 1=Iim x(6x +11X+6):Iim(6x2+11x+6):6.
x—0 X x—0 X x—0
n_ _ n-1 n-2 n-1 n-2
63, lim > 1:“m(x D(X"+x +...+x+1):"mx + X +...+x+1:

m

n
LM =1 ol (X=D(X" T+ X" A X+D) o X" X" X+l m

n n-1 n-2
64, lim X —nx+?—1:|im(x—1)(x + X +...:—x+1)—n(x—1)
x—1 (X _1) x—1 (X _1)
_lim (X" =D+ (X" =D+ + (X2 =D +(x-1)

x—1 X—=1
:Iirrll((x"‘z+x"‘3+...+x+1)+(x"‘3+x”‘4+...+x+1)+...+1)
:(n—2)+(n—3)+...+2+l:w
65, | X -2x+1 im(x—l)(x99+x98+...+x+1)—(x—l) e X0 xP X 49

ol X0 _2x+1 T ol (X)X A xT x4+ D)—(x=1) = x®+x®.+x 24

X+X+..+X"—n _lim (X=D)+(X* =D +...+(x"=1)

66. lim
x—1 X-=1 x—1 X—=1
_lim (X=D+(X=D(X+D +...+ (X=D(X""+x"? +..+x+1)
x—1 X—=1

n(n+1)

= Iin;(1+(x+1)+...+(x”’1 X" X+D) =142+ 3+...4n=

Bai 2.

Tinh cac giéi han sau:
JX+3-2 1 . X+2
x—1 '

1. lim bS: = 2. lim ———
4 >2x+3-1

x—1

bS: 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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3. limS—YX*3 ps: 1. 4 lim—-8_ PS: -6.
X—6 X — 6 6 x—8 3_ X+1
2 2
5 | d+X+Xx" -2 DS _1. 6. | X°—=3X —X ~ 1
x—-1 X+1 4 X3 2X—6
7. limYX+2 -2 ps: - 8. lim 2= Y3X~2 pS: -~ > |
-2 X% — 16 x>2 X° -4 16
2_
9. lim—>—2 pS: 24. 10, fim Y*=3 pS: — .
=3 X +1-2 9 9x — X’ 4
2 |
11, lim X 49 PS: -56. 12, lim 2X=YX+3 ps: ~.
x=7 92 _\Ix=3 x—1 x -1 8
— 2_
13, lim X Y3+ 2% ps: 2. 14, lim—=—X pS: oo.
x>3 X —3X 9 x—1 2X—X2 -1
15, lim YAX+1=3 ps: 16. lim Y3X =33 ps:
x->2 X2 _2xX 3 >H4 X® —4x 8
\/x+ -2 1 i x —3X+2
17. 1 bS: —. 18. 1 bsS: 2.
a 2x2 +x-10 4 o \/ -1
19, limX 34 pS: 30. 20, lim¥2X+1-2 ps: L.
Y Jx+5-3 o X2 +X-2 4
21. hm‘/_ 1 ps: L. 2. lim 3 =36+D) pS: 12,
o1 X2 —1 4 =2 3 Jax+1l
3 f—
23, lim YX 171 PS: 0. 24. lim X2 ps: — .
=0 X2 +X o2 loxe -3 2
J— 2_ —
25, lim Y2 X -1 PS: 0. 26. lim Y2X 2+ X=5 ps: 2.
x—1 X5 —X X—2 X —2X 3
2_ J— —
27. lim—2—% ps: 3. 28. lim X2t V7~ 2X ps: .
oL J2X+7 +x—4 4 o X -1 6
20, fim X5V X480 5 30, lm¥2X=6-Vx+2 o
x—>-1 X2 +3X+2 2 x—>2 X—2
2_ _ 2 _
31. lim——X*3 PS:6. 2. lim X 2x+6 VK 2x6 o 1
H1\/3+2x Jx+2 x3 X" —4x+3 3
2 — — J—
33, lim VX FXFZNIZX g g 34, lim2YX*+2 ps: —>.
Xx—-1 X +4 X—2 lx+7_3 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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35, lim_3=Y*_ ps: —2. 36, lim VXL VX +3 pS: 3.
Hg\/— 2 3 ol fx+8-3
37, lim X2 ‘/_ ps: —1. 38, lim——YXr3—2 ps: 3.
o2 \[x—1-+/3— 4 H1\/4x+5 J3x+6 2
\/x+ —/3x-5 \/2x +1-/2x+5 25
39. | bS: -3. 40. | bS: —.
H3\/2x+3 JX+6 2 V2 +1-x+3 3
a— 4 —
41, lim——x"1 ps: -4 42, lim ¥AX 31 ps: 1.
o1 x+3+x* -3x 3 ot x-1
43 1 \/ 1+x* =33 +x*+3 pS: 1.
va \/_ 2
Loi gidi
1 Taco lim¥2XF372 _ jip (WX +3-2)(x+3+2) Iim—l L
-t x-1 " (X-D(x+3+2) 1 x+3+2 4
2. Taco lim = lim (x+2)(Vx+3+1) |m(\/x+3+1) 2.
»—2\/x+ —1 o2 (Wx+3-D(Wx+3+1) o2
Lo 3—\/x+3 (3 IX+3)B+VXx+3) . -1 1
3. Taco lim =lim =—=
6 X—6 =i (x—6)(3+/x+3) HG3+\/x+3 6
4. Taco lim—X"8_ _jjm_(X-8C+Vx+) . 30Vx+l g
83— X+1 28 (3—/X+1)(B+/x+1) =8 -1
5.Taco | ‘4+X+X ~2 _lim X(x+1) _I|m; 1
A x+1 X +DWA+ X+ X2 =2) O A4x+xP-2 4
2 _ 2 _ 2
6. Taco lim 2Xx° —3X X:"m(\/ZX 3X x)(\/2x 3X +X)
>3 2x—6 X3 (2x—6)(\/2x2 —3X+X)
=lim X(x=3) =lim l
3 2(x=3)(V2x? =3x +X) 7 2(v/2X? —3x+x) 4°
7.Taco lim Y2 X =2 _jim X2 = lim L _L
-2 x*—4 2 (x—2)(Xx+2)(N2+x-2) *2(x+2)(N2+x-2) 16
8. Taco lim2—Y>*"2 _jim 3(2-x) ~lim 3 __3
-2 x*—4 o2 (X—2)(X+2)(2++3x=2) 2 (x+2)(2++/3x-2) 16
9. Taco lim—X =9 —jm X -IY(Wx+1+2) = lim[ (x+39(Vx+1+2) | =

xa3m 2 x93 (\/F 2)(\/F 1+2) 0

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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J_ 3 .. X-9 o -1

10. Tacod lim——

-49 (X=7)(X+7)(2+x-3)
1. Taco lim = JTB — B2 3)

> =lim =lim =
x>9 O — X2 x—9 X(9—X)(«/§+3) X9 x(\/;+3)

1
54

_Jim YD+ DR+ X3 )=—Ixi£r71(x+7)(2+\/x—3)=—56

x—7 7—X

2X—X+3 .. 4x* —x—-3

4x+3 7

12. Taco lim—————=Iim

-1 x* -1 oL (X =1)(X+1)(2X + VX +3)
X=N3+2X _ o x> —2x—3

13. Taco lim

=0 (X+1)(2x++/x+3) 8

X+1

2_
14. Ta cé lim X=X _jim X(Xx— 1)(\/2x G +l)

= =lim
o3 X2=3x O3 x(Xx=3)(X+/3+2X) ¥ X(X+~/3+2x)

_2
2

x(\/2x— x*+1) _

x—1 2X_X2 -1 xel —X +2x-1 xel

\/4x+1—3_"m 4(x—2)

15. Taco lim

J3x-3-3 . 3(x—4)

16. Tacod lim—————=1im

. 4 1
= =lim——==.
o2 X2=2X o2 x(x—2)(WAx+1+3) 2 x(+v4x+1+3) 3

-(x-1)

. 3 1
=lim ==.
o4 X2 —Ax o4 x(x—4)(\3x-3+3) 4 x(\3x-3+3) 8

17 Taco limYX+2=2 NX+2-2 (\/x+ ~2)(WXx+2+2)

X—2

2 2% +x—10 HZ (x=2)(2x-5)(Vx+2 +2)
1 1

=% (2x-5)(/x+2+2) 4

—3x+2 Im(x D(x-2)(Wx-1+1)

18. Taco I|m

19. Ta c6 lim X _—3x—4 -3x—-4 (x+1)(x—4)(\/x+5+3)

x—4 ,X+ -3 xe4 X—4
V3x+1-2 _lim 3(x-1)

=i (2x—=5)(x—2)(vx+2 +2)

x>2 [x—1-1 _xaz (\/X 1— 1)(\/)( 1+1) —!(iLTZ](X—l)( x-1+)=2.

= Ixim(x+1)(\/x+5 +3)=30.

. 3 1
20. Tacod lim————= =lim =,
ol X2+x=2 oL (x=1)(x+2)(V3x+1+2) L (x+2)(\3x+1+2) 4

21. Taco Ilmﬁ 1— lim x-1 ! —1

oL 2 =1 ol (x+1)(x—)(X +1) =i (x+)Wx+1) 4
—4(x+1) Iim(x—Z)(3x+2)(3+\/4x+1):

m (x=2)(3x+2)(3+4x+1)

22. Taco I|m

x>2 3 J4x+1 2 (3—/Ax+1)(3+/4x+1)
_ Iirr21 (3X+2)(3;— Jax+1) _ 12

X2 4(2-x)

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

e X H1-1
23.Taco lim =lim =lim
o0 X4 X o x(x+1)(\/x +1+1) *° (x+l)(\/x +1+1)

(x+2)(\1-x*+3) . 1-x*+3 1

24. Taco lim ———- X+2 =lim——-==
2 1_y3_3 HZ—(x+2)(x —2x+4) o2—(x*-2x+4) 2’

2x—x* -1 —(x-1)* —(x-1)

25.Taco lim————=1Iim =lim =0
oL X —X Ly (x—D(W2x—x* +1) L x(V2x—x* +1)
26. Ta c6 lim V2X+5+X-5 _lim —x*+12x-20
' 2 x*—2x o X(X—2)(V2x+5 —(x+5))
_ —(x—-2)(x-10) _lim —(x-10) 2

! X(X—2)(V2Xx+5 —(x+5)) *2 x(y/2x+5—(x+5)) 3

97 Tacé lim X2 — X x(x 1)(\/2x+ —(x—4) _lim x(\/2x+7—(x—4)=§
oL [2X+7 +X— 4 ) —x*+10x -9 x-1 —(x-9) 4

f— — 2_ J—
28. Taco lim X=2 ¥ =2X _ jjpy X —2x-3
x—>-1 X“—1 > L(x=D(x+D((x—2) —/7-2x)
X+3 1

X—>1(x D((x-2)-7-2x) 6

2X+5—+/2x* + x+8 2X+17 5

29. Tacd lim = lim
o X 43X 2 Hl(x+2)((2x+5)+\/2x Tx+8) 2
30. Tacd lim VEX =6 —x+2 =lim A4(x—2) =lim 4 =
X2 X—2 22 (X=2)(WBX =6 ++/x+2) %2 (\/BX—6+~/x+2)
31. Taco lim 3x+3 = lim B(X+D(/3+2X +x+2) = lim 3(v/3+2x +~/x+2) =6.
X—— 1‘\/3+2X _Jx+2 X—-1 X+1 X—>-1
32 Taco im VX —2X+6-VX"+2x-6 _ . _ 4 1
xa3 X —4x+3 X%a(X 1)(\/X —2X+6+\/X +2X— 6) 3
2 — —
33. Taco lim VX HX+2-VI=x _ .o, x+1 —0.

x>-1 X" +x XX =X+ D) (VX + X +2 ++/1-X)
2—IX+2 \/x+7 +3 3

34. Tacod lim——— _

M s M a2 2
& X542 2

35.Tacod lim——— =——,

X—9 / 2 x—>9 3+_\/_ 3

36. Taco Iim‘3x+ /X+3 Ii 2(Vx+8+3) _
' =L x+8-3 L J3X+14+/x+3
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

Vx+2-v2x o Vx-14y3-x 1

37.Taco lim =—=,

er\/T_\/T x—>2 M+«/_ 4

28, Tach lim Jx+3-2 IIm\/4x+5+\/3x+6 3
oL JAX+5-3x+6 1 x+3+2 2

39, Ta c6 lim JX+1-/3x+5 _ _olim J2X+3++/x+6 _ 3
x93 \2X+3 —/x+6 . VX+1++/3x+5
40. Ta c6 lim \/2x \/2x+ _lim \/x +1+\/x+ 2\/5
41. Taco lim x-1 ‘X+ - (¢ =3%) —ﬂ.
x-1 x+3+x2—3x Hl —x*+5x*—4x-3 3
4 —
2. Taco lim¥Z* =31 _jim 4 -1,

-1 x-1 X—>1{‘/(4x 3)° +\/(4x 3)? +Y4x-3+1
IX=1+x*=3x3+x*+3

Bai 3.

43. Taco lim =1.
X—2 \/&-2
Tinh cac gié¢i han sau:
3 _ 3 _
1 limAx-2. ps: L. 2 lim ¥2X=3+2 ps: 2.
-2 X—2 3 x>-1 X411 12
_31_ _3
3. limi =X ps: + 4. lim 22Y2X+3 pS: — > .
-0 X7 4 X ol x-1 12
5. lim———> pS: 2 6. lim— - pS: 3

Y5x—4 —x 2 o x—1

) 8. lim—— bsS: 3.
x->1 2x% —x—1

X3_27 M—Z 1

9. lim bS: 54. 10. |Im— bS:

© |
>
L
w
>
|
H

>3y +1-34x? + 28 3 x* +x-30 336"
3f 3 _
11. lim 10:2)( +X l. bS: E lim——— \/_ 1 bS: g
x—>-1 X +3X+2 2 Hl«/x +43-2 3
2
13, tim XL ps: 6. 14, limYX+3-2 pg. 3
xel%/? 2’ x—-1 3/;+1 2
3f 3y
15, limY2X—1-VX \/— ps: 2. 16. |imL ps: 1.
x—1 \/_ 1 3 x—1 /X2_2+1

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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3x -1 . : \/x+2+\/_ 1
17. 1 bS: 1. 18. lim bS: —=.
xalm 2 x—>-1 X -1 3
Jx+9+J2x 6 1 _ 3h9-x*+2 27
19. | bS: —. 20. lim——— bS: ——.
) X3 +1 12 o3 Jax—3-3 8
3 31 _ 3 1 _
21, i X VAmX g 1 22, lim¥2X~171 ps: 2.
x>0 X°—4X 6 ol x -1 9
3
23. li “3“2 X pS: 1. 2. fim =L ps: 2.
o2 J3x-2-2 o0 \4/2x+ -1 3
Loi giai
1) Taco IlmJ_ 2_ 4 :1.
=2 x—2 = Y16x% +23ax +4 3
3 a—
2) Taco lim NoX=3+2 lim > >
o X+l otelEy 3) 036X —3+4 12
_.‘3' p—
3) Taco I|m1 21 X _lim ! =£.
0 XX HO(x+1)(1+€'/1—x+13/(1—x)2) 3
_ 3/
4) Tacod I|m2 X +3 =lim >

ol x=1 Hl4+2\/5x+3+,/ 5x+3)° 12
‘2 3/()(2_1)2 231+ 4
5) Taco lim =lim =

x—3 3X2 1-2 Xx—3 X+3
6) Taco lim——— —Iim(l—i/x—z +,3/ X—2 2):3.
) xell_i_ / x—1 ( )
3/ _ —
7) Tacod IimM_llm X' —x+4 é

oL 2X°—x=1 o (2x+1 («/ (5x—4) +J5>(_4+4)

_Ilm(\/_+\/§+l)=

J_

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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3_
9) Tacd lim X 27
3 x +1-34x* +28

(x—3)(x2+3x+9)[ (x+1) +(x+1)3/4x? + 28 + §(4x* + 28) }

=lim
x—3 (x—3)(x +2x+9)
(x2+3x+9)[ x+1)° +(x+1 \/4x +28+,/ 4% +28 }
=lim
Xx—3 X +2x+9
3x+5-2 1 1
10) Taco le—rgx +X— 30 'X'LE‘( 2 2 3 336
X +3x+10) J(x+5) +3x+5+4
11) Taco lim J10+2x* +x-1 lim 3x° —3x% +3x+9
X—>— 2 _xa—
bX 342 1(x+1)(x+z){s(10+2x3)2+(x_1)\3/10+2x3+(x_1)2}
) 3x> —6x+9 3
=lim =§-

“1(x+2){3(10+2x3)2+(x—1)3/M+(X—1)2}
\/—_ M+2

12) Taco lim—————=1Iim —%.

x—1 +3-2 x—>1 X+1 (\/_+\/;+1)

Jx — 13/ X+7) +23x+7+4
13) Tacod lim—— 1 =lim ( ) =
OLIYX+T7 -2 ot Jx+1

JEr3-2 (x—l)(i’/x_z—ﬁ/;Jrl) 3

14) Taco lim ——=——=1Iim =——.
) o1 x4l o VX2 +3+2 2
3oy _ —3x
15) Taco lim 2x—1 \/__Ilm x+1 —%.

oL x—1 Hl\/gx 1) +§/m Ix?

,/x 2) 23 2+1
16) Taco lim
Hl\/_+l Hl \/_+\/§+1

Px-1 . Y(ax+4) +23/ax+a+4
17) Taco lim—————=Iim =
L YAX+4 -2 ot 4(€/x_2+§/§+1)

18) Taco lim ————

Xx—-1

Hlx 1[1/x+2 —W \/_} 3

\/x+2+\/_ _lim 1
x> -1
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GIO1 HAN VA LIEN TUC

19) Taco lim

Yx+9+32x-6

x3+1

Xx—>-1

=lim

20) Taco I|m

(% - x+1) [1/ (x+9)’ \/x+9 2x—6) +/(2x +6)’ }_

J19-x3+2 _lim
7% NAxX-3-3 H3—4[3(19—x3)2—2319—x3+4} 8

1
>

(9—3x+x2)(\/4x—3+3)

__ ¥

21) Taco lim ¥ X=X i 2 __1
DA Ry g ,3/(1+x)2+s/1_x2+,3/(1_x)2} 6
3
22) Ta ¢ |Xim—“2)’(‘3__11_1:|jm . 2 : —g.
(x2+x+1)| 3(2x-1) +\3/2x—1+1}

3/
23) Taco lim—— SX+2-x
=2 \3x—2 -2

24) Tacod lim—r—— Vx+1-1
-0 42x+1-1

~(x+1)°(V3x-2+2)

=lim
X2 [J 3x+2 +x\/3x+2+x}

(m+1)(m+l)

~lim 2
3

at [ (x+1)2+M+1}

=-1.

Bai4.  Tinh céac gioi han sau:
NX+9+X+16 -7

1) lim . PS: —
il X 24

3) lim 2\/x+6+\/2x—2—8. ps. 2
x—>3 X—3

5) lim x\/x+2+\/x+7—7. DS:§
xaz X—2 3

5Xx—4)/2x—-3+x-84

) tim =AY bs

x—>6 X—06
3 2

o) im X HT=VK+3 P 1

x-1 x—-1 4
," _.‘3' p—

11) I|m2 1+x-+8 X.})SE

x—0 X 12
3 B2

13) lim WX =VO=X g 7

X1 x—1 12

' J2x+2 ++/Bx+4 -5 4

2) lim . PS:—
x—1 X—-1 3
4) lim 2\/x+1+\/x+4—4. DS S
x—>0 X
— 2_
6) lim 2X/X =1+ X 8. PS: 8
X—>2 X—2
_3
74 8) lim J1+2x \/1+3x. BS:0
x—0 X
10) “m\/8x+11 JXx+7 ps: L
X2 —3x+2 54
3[ny2 _
12) lim X O VXH3 g L
x—>1 x-1 4
14) lim 332 V3K-2 o 1
X—2 X—2 2

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

3 2 _
15) I|m\/3X+2_\/5X_6. BS:—1 16) lim 3J2x +4x2+11 \/x+7. ps: 2
x—>2 X—2 ! X°—4 72
_y3 32 3 _ _ _
17 i /5 =X 2 V7 pg, 1 - 3Y4x 24+th2 8V2x-3 o 17
XL x2 -1 24 4-x 16
3 _ 3 9
19) lim J3x—2 - 34x? - 20) Iimezx 14;J3x 2-2 5o.3
x? —3x+2 X1 x -1 2
3 _ 4 _ 4
21) lim Y1+ x> — 41— 2x 22) lim Yx+6-Y7x+2 ps. 13
x>0 X2 + X X2 X—2 96
— 3 —
23) lim J1+4xA/1+6x 1 bs:.s 24) lim J1+2x 31+ 4x (R
x—0 X x—0 X 3
3 p— p—
25) lim V3x+1.3/2—x 2_ DS:i 26) lim J4+x38+3x — 4 PS:1
x—1 X—=1 12 xao X + X
— — _3
27) lim \/4x+4+\2/9 6x-5 oo, 5 28) lim J1+2x 2\/1+3x. ps: 1
x—>0 X 12 x—>0 X 2
29) Iim\/6x+3+2x —5X .11 20) I Im\/4x—3t\/2x—1—3x+1l ps: 2
X1 (x _1) 6 x>l X" —2x+1 2
— J— 2_
31 lim =¥ 7+42Jx+3+2J2x 1 os. 7 32) lim X° —4x+4 ps:8
Xl X" —2x+1 16 2 [2x2 +8-22x -3+ x—4 9
3 2 2_ _3 2_
33) lim J6X* +2— 2\/; DS:E \/2X 6X+5 \/§x 9X+7 BS:E
o1 X —x? —x+1 8 (x—2) 2
_3 _3
35) lim J1+2x 2\/1+3x. bs: L 36) lim J1+4x 2\/1+6x. BS:2
x—>0 X 2 x—>0 X
Loi giai
1) 1 = lim VX+9 +\/x+1 —7
x—>0
Tach |=|irr01£\/x+ -3 \/x+1 4]
[ (Vx+9-3)(Vx+9+3) (\/ +16-4)(Vx+16+4)
=lim
x>0 x(\/x+9+3) x( x+16+4)
X+9-9 X+16-16 X X

=lim

0\ x+9+3 x+16+4

+

0| X(Vxr9+3) x(Vx+16+4]

i 1 1 j 1
=lim + =

| (k0 +8) x(Jxe16 4]

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

\/2x+2+\/5x+4—5

2) |=|XILT11

_1
Tach ':"1{\/2“1 2 \/5x+ 3}
X— X

=i _(M—Z)(mu) (m 3)(\/5x+4+3)
—X'LT_ (x—l)(m+2) " (x- 1)(\/5x+4+3)
:Iim_ 2X+2-4 N 5x+4-9 |

S (x-1)(Vxr2+2) (x-1)(VBx+4+3)

:Iim_ Z(X_l) + S(X_l) _
X—’l_(x—l)(\/M+2) (x—l)(m+3)_

=lim 2 + > J‘E+§‘£

ot 2x+2+2 Bx+4+3) 4 6 3

2Jx+6++/2x-2-8

3) 1 =lim 3
. [ 2Jx+6-6 \/ZX 2 2
Taco_llxlig( 3 j
i z(m_s)(MHL(\/zx 2-2)(Vox-2+2)
S (x-3)(Vx+6+3 (x-3)(v2x-2+2)
:Iim_ 2(x+6-9) 2x—2—4 ]
H”_(X—B)( x+6+3) )( 2X— 2+2)
_Iim{ 2(x=8) 2(x=3) }
3 (x— 3)(\/F+3) (x— 3)( 2X— +2)

2

—Iim[ 2 + 2 ]_Z+E_§

o3 fx+6+3 2x-2+2) 6 4 6
2 x+1+\/x+4—4

4) 1 = lim
Tacd | =lim O(ZJXT 2 \/F 2}

[ 2(xr1-1) (Vi) ( x+4-2)(Vx+4+2)
=lim +

“0_ X(MH) x( x+4+2)

=lim

X”°_x(«/ﬁ+1)+ x(«/ﬁ+2)
5 1 — lim xmwm_;

xez X—2

2(x+1-1) X+4-4 ] ( 2 1

=lim +
SO\ X+1+1 X+44+2

2 1 5
=4 —=—
2 4 4

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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GIO1 HAN VA LIEN TUC

(x=2)VX+2+2x+2-4+x+7-3

Tacodl =lim

X—2

X—2

X—2 X—2

_ "n;(er 2\/x+2—44r NX+7 —3}

." p— p— 2_
:Iim(Z\/x—l+4 x-1 4+X 4}

X—2 X—2

4(x-1-1)

(x—2)(«/ﬁ+1)+x+2]

_2(\/x+2—2)(\/x+2+2) (\/x+7—3)(\/x+7+3)
=2+Ilim +
X2 (x—Z)(\/x+2+2) (x—2)(\/x+7+3)
=2+lim 2 + L ]:2+3+1:§
o2\ JX+242 NX+7+3 4 6 3
2
6) 1 = lim 2XA/X =1+ X —8.
X—2 X—2
e 2(x=2)Wx=1+4x-1-4+x* -4
Taco | =lim
x—2 X—2 X—2
_ 4( x—1—1)(\/x—1+1) (x-2)(x+2) _
=2+Ilim + =2+lim
X2 (X—Z)(\/x+1+1) X—=2 X2
=2+Ilim 4 +x+2]:2+ﬂ+4:8.
=2\ (x—-1+1 2
N :"m(Sx—4)\/2x—3+x—84.
X—6 X_6
.. (5%—30)v/2x—3+2642x-3-78+x~6
Taco I =lim
X—6 X—6
. 5(x—6)\/_2x_3+26(\/2x—3—3)+x_6
_x—>6 X—6 X—6 X—6

26(\/2x—3 —3)(\/2x—3 +3)

:I)(igg_5\/m+ (X—G)(m"':%)

26(2x—-3-9
154 Jim__28(2X ) 1_1541im
% (x-6)(V2x-3+3)
=15+Iimi+1=15+g+l=ﬁ.
x>6 \[2Xx—3+3 6 3
_ 3
g) |=|in3‘/1+2X \/1+3x.
_ _ 3
Tacé I:"m\/1+2x 1+1-31+3x _lim

x—0 X

:

262(x-6) .

x—0

¢ (x-6)(v2x-3+3)

X X

[\/1+ 2 —1+1—\3/1+ 3x}

(VI 2x -1) (Vv 2x +1) (1—\3/1+3x)(1+\3/1+3x+13/(1+3x)2)

=lim +

x>0 X(MH)

x(1+

+3x+F(1+ 3x)2)

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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i _1+2x-1 1-(1+3x) iim 2, -3
0 X(\/1+2X+1) x(1+\3/1+3x+w3/(1+3x)2) COUNIH2X AL 14 Y14 3%+ (14 3%)°
=g+_—3=0.
2 3
3/3 2
9) I:Iim\/x +7—\/x +3.
x—1 X=1
3/v3 2 3/y3 2
e | g LT =242 +3 :"mL\/x +7-2 2-4x +3j
x—1 Xx—1 x—1 Xx—1 x-1
(x3/x3+7—2)(3(x3+7)2+23 x*+7 +4J (2_\/m)(2+ /_X2+3)
=lim +
o (x—l)(3(x3+7)2+23x3+7+4J (x—l)(2+vx2+3)
3,7 4—(x*+3
_lim X*+7-8 N ( + )

o (x—l)(3 (x3+7)2 +2¥x* +7 +4j (X_l)(2+\/m)

i x: -1 1-x°
=lim +

o (x—l)[-3 (x3+7)2 + 23X +7 +4j (X_l)(zJ”/m)

_lim X2+ x+1 o x+l |03 2 1
- 3(X3+7)2+23x3+7+4 2+x*+3| 12 4 4

3 —
10) I:“m\/s_?,x;ull VX+7
x>2 X" —=3X+2
YBX+11-3+3—/x+7 _"nr{%/sxﬂl—s+ 3—\/x+7J

Taco | =lim .
x—>2 X°—3x+2 Xx—2

X2 =3x+2 x*—3x+2

(\3/8x+11—3)(13/(8x +11)* +33/8x +11+9) (3-x+7)(3+4x7)

=lim N
o (X2—3x+2)(3(8x+11)2+3\3/8x+11+9) (x*=3x+2)(3+x+7)

—1im 8x+11-27 9—(x+7)

+
o (X2—3x+2)(3(8x+11)2+3\3/8x+11+9) (x*—-3x+2)(3+x+7)

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !

Page64



Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

=lim

=lim

11) I = Iirrg

Tacod | =lim

=lim

x—0

=lim

x—0

=lim

x—0

3fav? L £
12) 1 = lim 3xX°+5 \/x+3-
x—1 X_l
3 2 _ _ 3 2 _ _
acs I:"nrl]\/sx +5 2+12 \/x+3:"ng[\/3x +£13 2.2 \/x1+3
X! X— X! X_ X_

=lim

x—1

=lim

x—1

=lim

x—1

8(x—2) 2-X

8 1

2401+ x —38—x
. )

x—0

2 1) 1) ()2 o

2rx-2+2-38-x [2\/1+x—2+2—\3/8—xj
X x—>0 X X

2 (x—l)(x—2)(W+3M+9)+(X_1)(X_2)(3+‘/m)

1 7

o (x—1)($/(8x+11)2+3£/8x+11+9)_(><—1)(3+m) 27 6 s

X(\/1+_X+1) ' x(4+2\/_+3 8— X) )
2(1+x-1) 8—(8-X)

K1) x(aratB x5

2, 1 2,1 18
VI+x+1 4423f8—x+3(8-x) | 2 12 12

|

(o752 o 5] 275544 (o mmfe iy

(x—l)(3(3x2+5)2+233x2+5+4j ' (x—l)(2+ﬁ)

3x?+5-8 4—(x+3)

(x—l)(s (3x* +5)2 233 +5+4j +(X—1)(2+Jm>

3(x2 —1) N 1-x

(X—l)(3(3x2+5)2+23 3X2+5+4j (X—l)(2+\/m>

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

=lim

x—1

13) | = lim

3(x+1) 1 6

N
Bl

43[(3x2+5)2 +233x2 4544 2+VX+3 12
Ix+7—~/5-%°
x—1 '

x—1

3 2 3 >
Taco | =lim X/ T2 2NNy YXH 722, 27NB X
x—1 X—=1 x—1 X -1 X —1
(7 =2)({lx 77 + 23557 +4) (26— (24450

=lim +

. (x—l)(?/(x+7)2+2\3/x+7 +4) (x—l)(2+\/5—x2)
_lim X+7-8 N 4-(5-x°)

. (x—l)(i’/(x+7)2 +23x+7 +4) (X—l)(2+\/5—x2)
—lim x-1 N x* -1

. (x—l)(i’/(x+7)2 +2¥x+7 +4) (X—l)(2+\/5—x2)
—1i 1 X+1 1 2 7
_XILTE :\3/ 2 3 + \/ 2 _E-’_Z_E'

I (X+7) +2¥x+7+4 2+35-X

14) I =lim

Tacod | =lim

=lim

X—2

=lim

X—2

=lim

X—2

33x+2—-/3x-2
X—2 X—2 )

Y3X+2-2+2-+3x-2

=lim

\3/3x+2—2+ 2—\/3x—2]

x—>2 X—2 HZ( X—2 X—2

_(m_z)(g (3x+2)2 +23/3x+2 +4) (Z_M)(2+\/3X—2)

(x-2)($/(3x+2)2 +2m+4) ' (x-2)(2++3x-2)

3x+2-8 4-(3x-2)

(x—2)($/(3x+2)2 +2§/m+4)+(><—2)(2+J3X_—2)J

3(x-2) 6—3x

|

(x-2)($/(3x+2)2 +2ﬂ3xﬁ+4)+(><—2)(2+x/3ﬁ)J

Y(3x+2) +23Bx+2+4 2+V3X-2

3 3 ]_3—31

=—+ -=.
12 4 2

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

15) 1 = lim Y3x+2 —+/5x—6
o2 X—2 '
Ta 6 I_Iim\3/3x+2—2+2—\/5x—6 _lim \3/3x+2—2+2—\/5x—6
o2 X—2 %2 X—2 X—2
I_m—(«3/3x+2—2)(3(3x+2)2+2\3/3x+2+4) (2-5x—6)(2+V5x6)
=i +
2 (x—2)(13/(3x+2)2+2m+4) (x—2)(2+5x8)
_lim 3x+2-8 . 4—(5x—6)
X*z_(x—z)(,3/(3x+2)2+2€/ﬁ+4) (X—2)(2+\/5X—6)J
I ]
jim 3(x-2) . 10-5x
“zz(x—z)(;’:/(smz)z+2€/ﬁ+4) (X—2)(2+\/5X—6)J
i 3 5 3 -5
=1lm - —+—=-1.
Xﬁz_i/(3x+2)2+2m+4 2+\/5X6} 124

J2x2 +4x+11—IX+7

16) | =lim ===
3
Tacé I:“m\/2x +4X+11-3+3—/x+7 _lim \/Zx +4x+1 3 3—JX+7
X—2 X -4 x—>2 -4 X -4

|- —(M—?,)(g/(zxumﬂl)z+3€/M+9) (o 7)o 4TT)
=1m N
o (x2—4)(§/(2x2+4x+11)2 +3m+9j (Xz_4)(3+m)

: 2x% +4x+11-27 9—-(x+7)
=lim

N
o (X2—4)(§/(2x2+4x+11)2+3§/m+9j (x2—4)(3JM/m)J

i ]
2x> +4x—16 2—X

(¢ 4)(\/(2x +4x+11) +3\/M+9j (- )(3+m)J

I ]
2(x-2)(x+4) L 2ex

- (x2—4)(\/(2x +4x+11)" + 3R 2x2+4x+11+9j (X2_4)(3+m)j

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

=lim 2(X+4) ; TaeTaT

2 +—
v (x+2)[\/(2x +4x+1l) +33/2x? +4x+11+9j (x+2) (3+VX+7) 108 24 72

17) I_I|m\/5 X _\/X +7
x—1 X —

Taco | = lim¥2=X =242V +7 _ o (“5 K22, 223+ j
_x—>l X2 -1 _X_)l -1 X -1

(525 2] (2T 02T )

=lim +

pax) (X2 _1)(\/5—_)(3+2) (x2 —1)(4+ ZW+WJ

_ 5_yi_4 8—(x*+7)
=1lim

X1 (X2_1)(\/5—_x3+2) (x? 1(4+2§/m+\/ X’ +7 j

=lim L-x
g (x 1)(J5_x+2) (2 -1) (4+2€/m+\/ﬁj
:Iim_ —(x*+x+1) e S

x—1 (X-l-l)( /5 X +2) 4+23/X2+7+%/ﬁ 8 12 24'
3R4x* —24 +x+2 —82x — 3

4—x?

3R/4x* —24 —6++/x+2—-2+8-8y2x-3

4—x?

18) | =lim

Tacod I_Im

_lim 3\/4x - 6 \/x+ 2 +lim 8-8v2x-3

X—2 xe2 xa2 4— X2

Iy I, 's
3[13 313 S e 2
_im 3V4x°-24-6 =|im3( o _24_2)(\/4)( 24 a0 -2242 j
X—2 4—X2 X—2 (4_X2)(,§/4X3_242+€/4X3—242+22j

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

3(4x3 —24—8)

:Iin21 >
(4—x2)((34x3—24) +34x3—24.2+22j

3
iim 3.4(x —8)

X— 2
2(4—x2)((34x3—24) +34x3—24.2+22j

12(x—2)(x2 +2x+4)
(2-x)(2+ x)(({‘/4x3 —24)2 +3ax? —24.2+22J
~12(X* +2x+4) 144

=lim =— =-3.

H2(2+X)((\/3 4x3—24)2+\3/4x3—24.2+22j 48

=lim

X—2

| :limm‘z=|im(JX+2_2)(JX+2+2)=|im (x+2-4)
T asd o (4o (Wr2e2) o (2-x)(2+x) (V2 +2)
1 1

o (24 X)(\/m-l-Z) 16

-m8—8«/m iy 8(1—\/2x—3)<1+«/2x—3) iy 8(1-(2x-3))

I, =
X

im =lim—————~
~2 4-X X2 (4—x2)(1+\/2x—3) 7 (2+x)(2-x)
_lim 8.2(2—X) _lim 16 =E=2

2 (2-x)(2+ x)(l+ M) 2 (24 x)<1+\/1+ 2x—3) 8

I =—3—i+2 :—E.
16 16

Bai5.  Tinh cac gioi han sau:

1 lim (2x°~3x) DS: +o0 2. lim (x* ~3%" +2) DS: —

3. lim (—x° ~6x* +9x+1) DS: — 4. lim (—x*+3x~1) BS: +o0

5. 1im (x*~2x* +1) DS: +o0 6. lim (x* 8" +10) DS: +o0

7. lim (—x* +2x* +3) BS: —o0 8. lim (—x*~x*+6) DS: —»

9. Xllrgox/m PS: +o0 10. JLQ(MH) PS: +o0
11. X|LQ(M+2X) PS: —o 12. Xlirﬂo(m_x) PS: +w

13. lim (M—\/9x+1) bS: —o

X—>+00

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

14. lim (\/16x+7 +\/9x+3) DS: khéng ton tai gidi han

X—>—0

Loi giai
L 1= lim (2x° -3x)
. . 3 . 3 3
Taco I =Ilim (2x —3x): lim x°| 2— =+o0. (Vi lim x® =+ va lim|2- =2>0)
X—>+30 X—>+0 X X—>+00 X—>+00 X
2. 1=lim (x*-3x*+2).
7 - 3 2 - 3 3 2 ~ - 3 N
Taco | = lim (x*-3x*+2) = lim x°| 1-2+ = | =—o0. (Vi lim x* =—0 va
X—>—00 X—>—00 X X X—>—00
lim (1—§+£3j—1)
X—>—00 X X
3.1 = lim (—x° —6x" +9x+1).
Taco | = lim x ( 1—§+i+i3j:—oo.
X—>+00 X X X
(Wi 1im % =+o0 va Iim( 1—9+3+ij——1<0).
X—>+00 X—>+00 X X X
4.1 = lim (-x* +3x-1)
Taco | = lim x?’(—1+%—i3j:+oo. (vi lim x* =—0 va lim (—l+%—i3j:—l<0)
X——00 X X X—>—00 X—>—00 X X
5. 1= lim (x*-2x* +1)
Tacd | = lim X4(1—£2+i4):+oo. (vi lim x* =400 va lim (1—£+i4j=1>0).
X—>+00 X X X—>+00 X—>+00 X X
6. I = lim (x*—8x"+10)
Tacé I = lim x (1—3+10j 150 (vi lim x* =+ va lim (1 8. 10) 1>0)
X—>—00 X X X—>—00 X—>—00 X X
7.1 =lim (—x* +2x* +3)
Taco | = lim X4(—l+%+%j:—oo. (vi lim x* =+ va lim (—1+£2+ 34):—1<0)
X—>+00 X X X—>+00 X—>+00 X X
8. I = lim (—x" —x*+6)

2

X—>—© X—>—0 X—>—0

Taco | = lim X4(—l—i+%j:—oo. (vi lim x* =40 va lim (—1—

X

9. I = lim+x*-3x+4.

X—>to0

Taco | = Iim\/ (1—§+ij = lim |x| (1_§+i):+oo_
X—>too X X X—>+00 X X

(vi lim |x| =+ va lim (1—§+%j=1>0).

X

X—>Fo0 X—>to0

10. 1 = lim (\/2x2+1+ x)

X—>—00

Fb: ThayTrongDGL Tai liéu bién soan va swu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

Taco | = lim (\/2x2+1+ x) = lim x(— /2+i2 +1J=+oo.
X—>—0 X—>—0 X

(Vi lim x=-o0 va lim (— 2+—+1j —J2+1<0).

X—>—0 X—>—00

X—>—00 X—>—00

(vi lim x=-o0, lim [— /1+1+i2+2}=1>0).
X—>—00 X—>—00 X X
12. 1 = lim (\/4x2+x+1—x) = lim ){"4+£+i2_1}:+00
X—>+0 X—>+00 X X
. . 1 1
(Vi lim x=+00, =lim|,[4+=+=-1|=1>0).
X—>+00 X—>+00 X X
13. I = lim (\/x+ —\/9x+ = lim \/_[ /1+—— /9+—J
- . 1 1
(Vi lim X =40, = lim Vx| ,[1+=—,[9+= |=—
X—>+00 X—>+00 X X

14. 1 = lim (\/16x+7 +J9x+3)

X——0

11. I:Iim( x> +x+1+2x = lim x{— 1+= +—+2] —0.,

Tap xac dinh caa ham s6 f (x)=+16x+7 +v9x+3 Ia D=[—%;+ooj.

Taco khi X —>—0 hamsé f(x)=+16x+7 ++/9x+3 khong x4c dinh. Do d6

lim (\/16x+7 +J9x+3) khéng tdn tai.

X—>—00

Bai6.  Tinh cac gioi han sau:
1. 1im X2 ps: 1 2. lim 2% Ps: 2
x—+0 X —1 x—-o X 4]
3. lim =% ps; -1 4. 1im =2 ps: 3
x>0 2% —1 2 x>—o X 41
3 B 3x(2x? -1
5. lim 2X73%74 pg, 6. tim X : ) ps. ®
X—=>+0o —X7 — X +1 XH+°°(5X—1)(X +2X) 5
4L 7y3 Ax* +1)(7x-1
7. lim 2D pg . tim (P HYOXY o

X0 X" +1

9. lim ——. DbS:
o (3x+1) 81

(x* +2)2 (x+2)

11. lim .DS: —0

X (2x2 +1)(1— x)2

(x-1)*(5x+2)° bs: 28

o (20 -1)(x+3)

(x+l)4(1 2x)3 bS: 1

10. bS:
X_HO X+ X"+
(2 2) ( 2 3) 4
3 4
12, tim 02029 o L
X—>—00 (1 2)() 2 32

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

3 2 2 _
13, lim| >~ X | ps: 2 14. 1im XX+ ps: 0
xo—e| X -4 3Xx+2 9 X 2x% 1]
3 4x% +1)(7x -1
15. lim X F2X42 g 16, 1im : S s g
x40 X 4+ X+ 3 X—>+0 (2X —1)(X+3)
4x% +1)(2x+3 3
17, 1im ¢ ; J2x+3) b 18. lim X F2X*2 pg. 1o
x>=0 X" —6X+1 x>0 X+ X+3
4 3 4 3
19, lim X F2XXH2 By 20. lim X F2XIXH2 pg,
x> 2X°+X+3 x>0 2XT—X
4_ 3 4 2_
21, lim X=X g 22, lim Y2 X 1 g 1
X—>+00 2X _ 7 X—>+00 1_ 2X
4_ 5 3_

23. 1im Y =X ps: 4o 24. fim o 2X+¥ =1 pg.g
x—>to - 2X X0 (2x2 —1)(x3+x)
3/,3 [oud | 2 _

25. lim XXX+ pg. g 26. lim Y2 X ~1 pq.
X—>+00 2X +1 X—>+00 1_ 2X
Lai giai
5 x(1+2j (1+2j
1. 1= lim 2* Iim—)l(:lim ’1‘ -1,
SR
X X
2.1 = lim =X |imL1 =|imi1 =2.
-0 X +1 _)wx(l+j 1+
X X
X(l—lj E_l 1
3 |:||m —|Imx—1 :|imx—1:——.
X—>+0 DY — >+ X(Z—j X4>+002_7 2
X X
3x—2 X(P’_Z] (3_Zj
4.1 = Jim === = lim ——— = lim > =3,
o X x(1+) (1+)
X X
3 4 3 4
Xl 2+5—— 2+ ——
. 2x3+3x—-4 ( X2 x3j : ( X x3j
5. 1=1Iim T = lim T 1 lim 1 =-2
X—+0 —¥X° — X +1 —>ooX3(_l_+3j _)w(_l_+3j
X X X X
3x.x2(2—12j 3(2—12) 6
6. 1 = lim X — lim X -z

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11 GIO1 HAN VA LIEN TUC

x[24 015 24 115
o 2xXM+7x3-15 . x x* . x x*
7.I:I|m4—:llrp 1 :Ilrp—lzz
o xHl x* (1+X4j (1+X4j
1 1 1 1
2 x2(4+jx(7—j (4+jx(7—j
8. 1= lim (4X3+1)(7X_1)—Iim X12 25 = lim X12 =0
o (ZX _1)(X+3) XS(Z—SJX(1+j [2—3jx[1+j
X X X X
1Y 2\ 1 2( 2}2
X*[1-=| x*| 5+= 1-=||5+=
o | fim (7D (5x+2)° ( xj ( x) _“m( xj x) _25

X—>—00 4 X—>—00 4 X—>—c0 4 81
(3x+1) x* (3+1) (3+1]
X X
1\ 1 LY 1)4(1 j"’
X*1+= | X3 =-2 1+= 1| ==2
10,1 — fim 0D A=29" Xj (X j _imL ¥ \x )L

X—>—0 5(y2 X—>—0 5 X—>—o0 5 4
(2x+2) (X +3> x° 2+2j x2(1+32j (2+2j (1+32j 4
X X

1 1= fim o = lim X > = lim X =0
BT (1] (1))
X X X
2
[1+22j (1+2 1
(Vi lim x=—-o0, lim X X2=—>O)
B G F
2+ || = -
x? ) x
2V (1 Y ZANG Y
Cl1+= | xH = - 1+ =-1
SRR e ok I o1 s NP
X—>—00 5 - X—>—00 5 N X——00 5 -
(1-2x)"x? xs(l—Zj " (1_2j 32
X X
3 2
13, 1 = lim | ————X |,
x>-o| 3X° -4  3X+2
3 2 x*(3x+2)—-x*(3x* -4 3 1 4x2
Taco | = lim 2( I = li ( ) ( )=Iim 2X +4X
oe(3x* -4 3x+2) o= (3% -4)(3x+2) == (3x° —4)(3x+2)
x3(2+4) (2+4j
=am N T im e Zé'
(o) )
X X X X
x2(3 1+7j ( 1+7j
2 oot RV
14, 1= lim XX iy X X X AX X X g

3
X
X—>—00 3 —_ - X—>—00 X—>—00 -
L) P
X X

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

Bai 7.

Tinh céc gi¢i han sau:

1 1im 23 ps: —w
=1t X—=1
3. lim2=% . ps: +o
x—3~ 3—X
5. lim —**1 ps: 40
X—2" X—2
7.1im 872 ps: o
x>2" 4X —8
X—3
o lim X3 pg. L
x—>3" 5x-15 5
2—X
11 im0 ps L
x>2" 2X° —5X+2 3
X_
13 tim—4 pg L
x> 2X° +X—3 7
_ ‘x2—9‘ L
15. lim—— BS: khong ton tai
x>3 X—23

- |x=2|
17. lim bS: 2

-2 x-1-1

19 tim =4 b 3

-2 IYx-1-1

21. lim =8 ps: 4o0
x—3" (3_)()
23. IimM PS: +
x-2" \J4x* ~16
_ 2
25 1im 2=X ps: 0
x—2" 2—X
X+2)(x+1
27. lim ( )( )DS:l

o) JX+1-x-1
VX2 —4x+3

29. lim ———— DS: —o
x> —X"4+6X—5

31 lim(x-2) 2X

x—2* X5 —

PsS: 0

33. lim(1-x),| 2> ps: 0
X1 X" +2x-3

35, Iim[Zx 1__’(} PS: 0

x—0" X

10.

12.

14.

16. li

18.

20.

22.

24,

26.

28.

30.

32.

34.

lim 2= ps: —
x—2" X—2
lim—==>__Bs: oo
x—>4’(x_4)
lim >~ ps: 0
x>~ X—1
X+1 Bs: 4o

x—2t 2X —

lim 7X_1.BS: —0
(3 [X+3|

im T pe 1

o1 2x3 4+ X =3 7
_ ‘x2—3x+2‘
lim bS: 1
x—2" X—2

X—4

M—————— DS: khong ton tai
x4 ‘x +X— 20‘

3 \Bx—11-2 5

l K25 pS: —30
m i
o5 {x—4-1

3 —
lim X +2 73 5o L
X2 X —X—2 81
lim x+x
an*X_\/;
lim X+2x

x—0" X—\/;
X2 —6x+9 1

lim > bS: -=
>3 X" =9 6

PS: -1

bS: -2

2
lim X £3%42 pe. o

o) x4+ x*

lim (x*+1),/— DS: 0

x—>(-1)" X2 -1

lim— X=X pg, 1

o 24/1— X +1-X 2
2x* +5x-3

lim ————— bS: —w
(3" (x+3)

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

3_
37. lim (L— 1 jDS: o 38, 1im V=342 o V3
x>2\ X—2 X -4 -1 X°—bx+4 5
Loi gidi
- !Lrp(Zx—fﬁ):—l
1 lim =2 = 0 vi | lim(x-1)=0
x-1" X x—-1*
Xx=1>0,Vx —>1"
. XI|9r£1+(x—15):—13
2. 1im X722 = 0 vi | lim (x—2) =0
x—>2" X — x—2*
X—-2>0,Vx—>2"
, i (2-x)=-1
3. lim ==X =4o0 vi {lim (3-x)=0

X—3" 3— X

X—3~

3-x>0,¥Vx—> 3
lim(x-5)=-1

X—4"

4. 1im =72 = o vi { lim (x-4)? =0

5 lim —3x+1

Xx—2" X — 2

3x-1
m

x->1" X —

=—00 Vi

6 —5x
x>2" 4X —8

=—00 Vi

8. lim X*1
x->2t 2X—4

=400 Vi

9. Do x— 3" nén [x—3/=x-3 suyra lim

0. tim 2X=2
(3 [x+3

= —00

X—4"
(x-4)">0,vx— 4
lim (-3x+1)=-5

X—2"

=+ Vi § lim(x-2)=0

X—>2~

X—2<0,Vx—> 2~
lim(3x-1)=2

x—1"

lim(x-1)=0

x—1"

Xx-1<0,¥x—>1
lim (6 -5x) =4

x—2*

lim (4x-8)=0

x—2"

4x—-8>0,Vx > 2"
lim(x+1)=3

x—2"

lim(2x-4)=0

x—2"

2X-4>0,Vx > 2*

x—3 )
-—= ———=1im
x-3" Bx—15 x-3"5x—-15 x-3*
lim (7x-1)=-22
x—»(—S)’( )
vi§ lim [x+3/=0
x—(-3)"
|x+3|>O,Vx—>(—3)_

gl

Fb: ThayTrongDGL

Tai liéu bién soan va suu tam

Chuc cac em hoc tot !
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Tai liéu tw hoc danh cho HS Lop 11

GIO1 HAN VA LIEN TUC

11. Do x—>2 nén [2—x|=2-x suy ra lim

12. Do x—1" nén |x—1=x-1suy ra lim

] 1 1
im———=—.
x> 2X+2X+3 7

13. Do x —>1" nén |x—1|=1-x suyra lim

. -1 1
||m2—:——.
x=1 2X° +2X+3 7

X—2"

x—1*

X—1"

2%} +X—3 xof (x—l)(2x2 +2x+3)

x4

23 4+X=3 xo1 (x—l)(Zx2 +2x+3)

|2—X| i 2—X
2%2 —5X+2 xo2 (2x-1)(x-2)

x—1 x—1

. 1-x
=lim

14. Tacod x*—3x+2=(x-1)(x—2),do x —>2" nén x*-3x+2>0,suy ra

x> —3X+2 _ _
Iimg: |imw= lim (x—1)=1.
x—2* X—2 x—2* X — x—2*
2-9 3)(x-3
15, Tacs timl I i [+ 3(x=3)
x>3 X—3 x—3 X—3
x> -9 _
THI: x>3 taco lim _tim UEICS) i (x43) =6
x-3" X—3 x—3" X—3 x—3
x> -9
TH2: x<3 tacd lim = lim (x+3)(x-3) _ lim(-x—3)=-6
x->3 X—3 X—3" X—3 x—3
-9 X9 —
Do lim ——= lim —— nén khéng ton tai lim——
x-3" X—3 -3 X—3 x->3 X—3
- x—4
16. Tacd im——————=lim————
H‘*‘x2+x—20‘ x4 ‘(x—4)(x+5)‘
THL: x>4,taco lim 2"_4 Cim— X% i1
4" X2 +x—20 x4 (x—4)(x+5) ¢ x+5 9
TH2: x<4,tacd lim —~—2  —jim—*-% ___jjm L _~1
o4 |x* +x=20 x4 (4=X)(x+5) =+ x+5 9
X—4

. X—4
Do lim————=# lim
Hf‘x +x—20‘

17. Do x —> 2 nén |x—2|=2-x suy ra lim

X—2"

|im(\/ﬁ+1)=2.

X—2"

x—>4" ‘xz +X— 20‘

18. Do X —>3 nén |[x—2|=3-x suyra lim

—(\/5x—11+2) 4

=lim =——,
x—3~ 5 5

X—3"

nén khong ton tai lim

(x—2)(m+1)

Xx-1-1

X2 im

IXx=1-1 x2

(3—x)(M+ 2)

ox—11-4

[x-3

——— =1im
VOX-11-2  x=%

Fb: ThayTrongDGL
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| . | (2-x)(x=1 + ¥k =1+1]
19. Do x— 2" nén |x—2|=2-x suyra lim = lim

X—2~ ,/ -1 x> X—1-1
_ lim (_(m +m+1)):_

X—2~

x2—25\
20. TacO x> —25=(x-5)(x+5),do x—>5 nén x>*—-25<0, suy ra Iim‘—
(x=5)(x+5) yra lim-——"

(25-)(x=4" + k=4 +1]

= lim :Iim(—(5+x))(\3/x—42+\3/x—4+1):—
X—5" X—4—1 X—5"
XIlﬁrgl(?>x—8):1
21 lim =8 _ oo vi {1im (3-x)’ =0
x—3" (3_ X) x—3"
(3-x)">0,vx —3"
22. Taco lim —“);+25_3 =lim X+25_227
o2 Xx=2 ey 2)(x+1)(¥x+25 +3€/x+25+9)
=lim 1 —i
Hz(x+1)(\‘°’/x+252+3\3/x+25+9) 81
XI|_>r£1(3x+2):8
23. lim — 3x+2 =400, Vi I|m\/4x -16 =0
x—2" 4X 16 x—2"
VAX? =16 >0,Vx — 2°
Jx(Vx+1
24, tim XX _ i B fim XL

x>0 XX xo0 \/_(\/_ ) xao\/_ 1
25. XILr?\/_Z !L@%zi@@(2+x):0
ox+20x [([+2) - x+2
Sl Sy i K[ L

X+2)(x+1
27 Tace lim YOO o ekl | Wxe2
=) YX+1-x-1 H(—1)\/x+1(1—\/x+1) (1) 1—/x+1

28. Taco +/x* —6x+9 =,/(x—3) ? )" =[x—3|,do x—>3 nén v/x*-6x+9=3-x,suyra
\/ 6x+ VX2 —6x+9 3-X o1 1

lim _ 3% _ypt__1
an xl—>3 X -9 x—>T (X—S)(X+3) xl—g;]’ X+3 6

2.

=1.

29. Do x —>1 nén x—1<0, tr do tacd

e [ N s N

xal —X +B6X—-5 x1 —(X 1)(X 5) X—>1 (X 1)(X 5) XLT 1—X(X—5)
1 3—X

=lim — |=—0
Hl(\/l—x X—SJ

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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vi lim _—£ va I|m[ ! j:+oo
x—=1" X — x—1 1—X
2
30. lim M_ Iim (x+1)(x+2) _ I \/x+1(x+2)20.

~ A 7 - lim —— 7
o) X xt o X2IX+1 x>(-1)" X2

31. I|m x 2 ,/ —I|m X— 2 X = lim M:0.
x—>2* x—2* X—2)(X+2) x—2* X+2

I . X i X
32. Taco XLI(T) (x° +l)’{x 1 ZXL'(T)+(X+1)(X2_X+1) (x=1)(x+1)

x(x+1)
x-1
33. Do x —>1" nén 1-x<0, vithé taco

(1) _s.[ m} Z.iml m}o

x->1" X*+2x-3 (x—-1)(x+3)

X+/1— . XA/1—X . X 1

34, lim———————=1im =lim———=

x> 21— X +1—X xof \/_(24_\/_) x> 2 4 [1__)( 2
: 1-x)_ . X(1-x) | . ~
35. XILT(ZX TJ_XILTEZ T] _)!l_)rglzﬂlx(l—x)_o.

2 - —
36. lim 2X+—5X;3 — 1im w: lim 2X-1__
x—(-3)" ( X 4 3) x—(-3)" (X + 3) x—>(-3)" X+ 3

1 1 . X+2-1 i Xx+1 1
37. lim — |=lim|——— | =lim| —.—— | = -0,
oz X=2 X —4) xor (x=2)(x+2) ) 2 (x+2 x-2
38. Do x —>1 nén x-1<0,suyra \/(x—1)° :|x—]J=1—x nén ta c6
Q/X VX =3x+2 «/x+2 X— 1 ) Jx+2 Iim_m— 3

= lim (x2 —x+1)

x—(-1)"

=0.

fim x> —bx+4 im (x—=1)( x+4) xer(x—l)(x+4) I X+4 5

Bai 8.  Tinh cac gioi han sau:

1) im3"X pg: 5 2) lim @12 pg. 2
xao X xao 3x 3
3) Iiml_CgSX.DS: 1 4 lim S|n5x.sm33x.smx.BS: }
x-0 X 2 ! 45% 3
_ 2
5) lim = 08 X 6) lIm==% 2% pg. 4
x—0 1 —Cc0S 3X x>0 X.SIN X
- 2
7) lim 2o 0).ps: 2 8) lim=—S%& pg, &
x-0 1 —CoS ax a H01 cos bx b
2 .
9) im2"%%X. (a:0) ps: & 10) lim SNXNX pg, 1
x—0 X 2 x—0 X 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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] —si 1
11) fim X —SINX pg, 1
x>0 §IN° X 2

13) lim COS X —cosb
x—b X—b

PS:—sinb

cos(a+x)—cos(a—x)

15) lim bS: —2sina
x—0 X
3
17) limi=% X pg. 3
x>0 XSIN X 2

COS arX — COS BX S —a?
> bsS:
X

19) lim

x—0

1—C0s X C0S 2X oS 3xX

sin(a+2x)—2sin(a+x)+sina

sinx—sina

12) lim . BS:cosa
X—a X_a
14) lim Y241 g 7L
x>0 §In 2X 2
16) Iimtan X—tanc DS 12
X—¢ X—C cos-C
- 2 - 2 -
18) Iimsm >2< 5|2n a DS sin2a
x—»a  X°—a 2a
3
20) lim —X*8_ ps:12

x>-2tan (X +2)

21) lim . DPS:1422) lim . . bS: —sin(a)
x=>0 1-cosx X0 X

23) lim SNAX*@NDX. 2 0) BS: 1 24) lim SOS3X ZCOSSXCOSTX g, 33
x—0 (a_|_b)x x—0 X 2

- 2 _a’-c¢? sin(a+x)-sin(a—x
25) im S5 cosbxcoscx oo b’ —a’—c (a+x)-sin(a—x) DS: cos° &
x>0 1-cosx 2 x>0 tan(a+ Xx) —tan(a—x)
_3[y2 in2 9y _ ci ;
27 lim \/2x+1_ U x +1_ pS: 1 28) Iimsm 2X sin Xsin4x pS: 6
x—0 SN X x—0 X
29) lim <X ps: 1 30) lim SMXZSINEX g
D ” X(l—Sinzxj
2
2 _ _ -
31) lim V1+ X : COSX ooy 32) Iirn\/1+tanx 3\/1+smx ps: L
x—0 X x—0 X 4
33) [im 1 C0SOXCOSTX g, 37 34) limYX+372 pg. 1
x>0 sin“11x 121 x->1 tan(x —1) 4
35) lim1* %X pg. ! 36) limSN*=Y pg. 1
X—m(x_;;) 2 -1 X° —4X+3 2
2 _ -
37) lim VX2 +1 2c032xl Ds: 5 38) Iiml cosx;/cost DS:§
x—0 X 2 x—0 X 2
Loi giai.
1) IimS'nSX:Iim(S.SmSXj:S.
x>0 X x—0 5x
2) Iimtan2x=Iim g.tanZX =3_
x>0 3X x>0\ 32X 3

Fb: ThayTrongDGL
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(X 2
ZSIHZ(J Sini
3) lim ==X _jim| 2/ |_jim| 2.2 2| |-1
x—0 X x—0 X x—0 4 5 2
2
4) lim sin5xsin 3xsin x _lim 1 5|n5x sm3x smx _1
all 45%° 53 Bx  3x  x 3
ZsinZQ sins—x 2 3x 2
5 limi=S9X i 2 [ 2. 2 | A _2 _5
x-0 1 —C0S 3X HOZsinzs—X x-0| 4 5x 9 sin3— 9
2
2 HJ H 2 H
6) Iiml C(?S 2x:“msm_ 2x:"m4sm XCOS"X _ . (4c032x.smx)=4.
x—0 XS'nX x—0 XSInX x—0 X x—0 X
2
ax
. xsinax . xsinax . |1 _sinax 4 | o 2
D cosax B, _ax %2 Tax @ | ax| |Ta
2sin sin—
2 2
2sin? & sin &% 2 bx
. 1-cosax . o . la 2| 4] 2 a’
8) Img— Ilm—bx_lmg 7 T = o | 112
x01—cosbx  x20 5 g 2 DX X004 ax b* | ¢ X b
2 2 2
2sin? & sin & 2
— 2 - 2
0) limI =S5 _jim 2 _jim[ 2.2 2 | .
x—0 X x—0 X x—0 4 % 2
2
inx—tanx . sinx(cosx-1
10)Taco S S
2
L ,X X
—2sinxsin’ = sin=
=|im—2=|im —L.ﬂ.l. —2 =—£.
x>0 x°COS X x>0| cOSX X 4| X 2
2
1) lim BN X=sinx _ . sin x(1—cos ) lim 1 1
-0 sin®x Hocosxsmx(l Cos x) o( cosx(1+cosx) ) 2
2cos X qgin X =24 sin 2~ 2
. 1. Sinx—sin . . X+a
12) Taco lim 20X =88 _ iy 2 2_ _im| cos222. 2_|=cosa.
X—>a X—a x—a X—a X—a X—a

2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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_Zsir]besinxi_b Sinxi_b
13) Ta c6 1im 88X =C0SP _ i, 2 2 _jim| —sin*2. 72 |- _gnp,
x—b X—b x—b X—b x—>b 2 Xx-b
2
14 Tacs lim = Y2X*L_jjyy 1o 2X-1 =|im(— L = j:-i.
x>0 sin 2X Hosin2x(1+«/2x+1) =0\ 144/2x+1 sin2x 2
_ogin @t XFTa-X . a+X-a+Xx
15) Taco lim SO3@+X)—cos@=X) _ ;. 2
x—0 X x—0 X
:Iim(—ZSina-wj:—Zsina.
x—0 X
. - . sin(x—c sin(x—c
16) i N x—tanc . (x—c) _) (x-¢) 1 _ 12
x>C  X—C x>¢ (X—C)COSXCOSC *>¢(  X—C  COSXCOSC ) COSs”C.
_cos® 1—cos x)(1+ cos x + cos® x
17) Taco Iim1 C_OS X im( )( - )
x>0 xsinx x>0 Xsin x
- 2X 2 - X
~ 2sin® (l+cosx+cos’x) 1+cosx+cos?x 1 M5 | 3
:Ilng v :lmg 2 S =
H 2Xsin = COS — ~ oS~ 2 X |2
2 2 2 2
1-cos2x 1-cos?2a
02 P02 -
18) Tacs lim3t x>0 & jjm_ 2 2
x>a  x°—a xa  (x—a)(x+a)
_ii cosZa—cost_"m—Zsin(a+x)sin(a—x)
x>a 2(x—a)(x+a) x»a 2(x—a)(x+a)
_Iim(sin(a+x)_sin(a—x)]_sinZa
-al  X+a a—x 2a
. (a+B)x . (a—pB)x
. ;. COSaX—COS X . —Zsm(a Zﬂ) S'n(a zﬂ)
19) Tacdé lim > =lim >
x—0 X x—0 X
. (a+p) . (a-p)x
sin sin
=liml =2 (Z+ﬂ 2 a_ﬂ. 2 ﬁz_az
x>0 2 (a+p)x 2 (a—pB)x 2
2 2
3 X+2)(x*—2x+4 X+2
20) Ta c6 fim —X 8 i { I ):Iim (x2—2x+4)-u ~12
>2tan(x+2)  xo-2 tan(x +2) x—>-2 tan(x +2)
21) Ta c6 Iiml—cosxcostcosSx _ "ml—cosx+cos X(1—cos 2x) +cos x cos 2X(1—cos 3x)
x>0 1-cosx X0 1-cosx

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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. 53X
25in? x 2sin” —
:Iirrol 1+cosx X+cosxc052x .
- 2sin? > 2sin? =
2 2
X ? . 3X ? X 2
sinx ) 2 sm? 2
=lim 1+4cosx(—j —4& | +9c0s Xc0os2x =1+4+9=14.

x—0 X . . 3X . X

sin = sin— sin —

2 2 2

sin(a+2x)—2sin(a+x)+sina lim 2sin(a+x)cosx—2sin(a+x)

22) Taco IX|LTO1 5 5

X Xx—0 X
_4sin(a+x)sin2 >
. 2sin(a+x)(cosx-1) . ( ) 2
:Ilm 2 =I|m 2
Xx—0 X x—0 X
2
. X
1 |sing
=lim —4sin(a+x)-—- — 2| |—_sina
Xx—0 4 i
2
ax sinax+bx tan bx a sin ax btanbx
, .. sinax+tanbx . ’ ' @ ' +
23)Taco limmX @b _im ax bX__ _ |jm —ax bx__2a+b _,
-0 (a+b)x x>0 (a+b)x x>0 a+b a+b
, ..  £0S3X—C0Sbxcos7Xx ,. COS3X—COS5X+Cc0s5x—Ccos5xcos7X
24) Taco Ilng > :Ilng >
X—> X X—> X

. . ., IX
2sin4xsin X +cos5x(1—cos 7x) 2sin4xsin X —2€0s5xsin 9

sinLX 2
=1lim S.w.ﬂ_z.‘l—g.cos5x. 2 =8_4_9=_§.
x—0 4x X 4 X 2 2
2
, .._Cosax—cosbxcoscx .. cosax—cosbx+ cosbx—cosbxcoscx
25) Taco lim > =lim >
x—0 X x—0 X
. — b .
25|n(a+b)xsm( ) + cos bx(1—coscx) 2sin (a+b)xs ( ) —2cosbxsm2—x
=lim 2 5 =lim 2 >
x—0 X x—0 X
2
sin (a+b)x sin(b_a)X smc—x
: b*—a’ 2 ? b*—a® ¢* b’-a’-c?
=lim| 2- . . —2-—-cosbx- = ——
x>0 4 (a+b)x  (b-—a)x 4 cx 2 2 2
2 2 2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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. in(a+x)—-sin(a—x . 2 in x
26) Taco lim sin(a+ x) —sin(a - x) =lim cosas
x>0 tan(a+x)—tan(a—x) x0 sin 2x

cos(a+x)cos(a—x)

cosacos(a+x)cos(a—x)

=1lim =cos’a
X0 COS X
Lo A2XH1-XP+1 . 2x+1-1+1-3xP+1
27) Taco lim =lim :
Xx—0 COS X Xx—0 SN X
2X —x?

+ 2
V2x+1+1 1+§/x2+l+(3/x2+1)

=lim -
x—0 SIN X

2X X

- 2
V2x+1+1 94352 +1+(§/x2 +1)

=1lim - =1.
x—0 SIN X
X
-~ . . . . .
.. sin“2x—=sinx-sin4x .. SIin2X(sin2X—2SsIin Xcos2Xx
28) TacO lim . =lim ( ; )
x—0 X x—0 X

Asin 2xsi . 3X . X
2sin 2xsin x(cos x —cos 2x) SN £XSINXSIN= s

4

x—0 X x—0 X
sinﬁ sin5
_lim 4_§_S|n2x_smx. 2. 2|_¢
=0 2 2x x X X
2 2
sin(x+2j
29) fim 22X _ jim 2/
NN SN r
2 X+— 2 X+—
2 2
inx—si sin x(1—2cos X i —
30) lim SN sin2x . ( )="m[smx_1 ZCOSij—l.
x>0 . o X x—0 X COS X x=0 X COS X
x(l—Zsm ]
2
2_ 2_ _ 2_ _
31)Tacé|im\/1+x COSX:Iim 1+x°-1+1 COSX:Iim 1+x 1+1 COS X
x—0 X2 x—0 X2 x—0 )(2 )(2
2
25in2§ Sini
: 1+x* -1 2| 1 1 2 11
x—0 Xz( M+ %2 +1) X -0 lexia1l 2| X 2 2
2

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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J1+tan x —+/1+sin x i L+tanx-1-sinx
_ -
X

32) lim
x>0 y3 (\/1+tan X ++/1+sin x)

x—0

.., X
_lim sinx(1—cos x) . 2sin xsin 5
=0 x° cos x(«/l+tan X ++/1+sin x) x>0 x° cos x(\/1+tan X +~/1+sin x)

2

X
— lim 2 sinx 1125 )1
x>0 cosx(J1+tanx+J1+sinx) x 41 X
2
. 59X ., IX
. 1-cos5xcos7x . 1-cos5x+cos5x(1-cos7x) . 2sin” -~ 2cos5xsin o
33) lim — =lim — =lim| —; + —
x—0 sin“11x x—0 sin“11x x->0| §In“11x sin“11x
.n5x ? , in X ? )
|25 SN ( 11x j 49 sin—>- ( 11x J 25 49 37
=lim - + COS5Xx | — = 4 —=——,
x>0| 242 OX sinllx ) 242 X sin11x 242 242 121
2 2
34) lim X372y X+3-4 “im| X . Xx=1 |1
©htan(x-1) ot tan(x—l)(\/x+3+2) o x+3+2 tan(x-1)) 4

2
2 X 2sin?[ T=X sin| Z=%
lrcosx . 26085 2 ) . |1 2 1
= =lim————==Ilim| = | ————= | |==

35) lim > =lim > = == .
x—m(x_ﬂ.) x—m(x_ﬂ.) ey (X—7Z') xor| 2 T—X 2
2
36) lim s;n(x—l) iim sin(x-1) lim sm(x—l). 1)_1
ol x?—4x+3  o1(x-1)(x-3) i x-1 x-3 2
2 2
37) "”3 VX +1X§C082X="¢} Np +1—1XJ2rl—c052x

_lim \/x2+1—1+1—c032x _lim X +1-1 +23in2x
x—0 )(2 X2 x—0 Xz( [XZ +1+1) )(2

—lim 1 +2_(sinxj2 _£+2_§
Ol (X2 +1+1 X 2 2
1—C0S X+/C0S 2X i 1—COSX+COSX(1—VCOSZX)
=lim

2

38) lim >

x—0 X x—0 X

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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1—cosx COS x(l—\/cos 2x)

L, X
2sin? =

cosx(1-

C0S 2X)

=lim + =lim +
X0 x? x? -0 X2 x? (1+\/c032x)
2
sinl sm5
_lim| L 2 = lim| = 2 (S'”Xj _1,,.3
x=0| 2 x2(1+\/0052x) x>01 2 | 1++/c0S2X X 2 2
Bai9.  Tinh céac gioi han sau:
1) lim C0S 3X —COS X DS 1 2) lim 1-2sinx DS 1
x—0 COS5X — COS X 3 X+4cos X—3 2
3) Iim1+3|n 2X +C0S 2X pS-: 24 Iirn5|n7x_—sm5x PS: 2
Hg COS X x—0 sin X
. 2-2 o 1-3
5) Ilmm DS: 2 6) Ilrrgl_ﬂ bs: 1
Lo sin(x—”j L 6
4
: _ 3
7) Iimw bS: 2 8) lim| tan 2x.tan Z_x||ps:1
x—Z sin3x 3 N 4
3 4
3
9) lim cosSx+_2c052x+2 DS 2J§ 10) fim J@nx -1 3tan x 1 _i
- sin 3x 3 X+Zsm X— 1 12
Loi giai
sin x
. COS3X—COSX . —2Sin2xsin X sin x X 1
1) lim————=1im . _ = . = : =—,
0 C0S5X—CoSX x>0 —2siN3xXsin2x  0sin3x x>0 4 SIN3X 3
3x
1-2sinx . 1-2sinx . 1 1
2) lim =lim ——=lim——==
x_,”4COS X—-3 H%1—4sm X X+1+23|nx 2

1+sin2Xx+cos2x

2c0s? X +5sin 2x

3) lim =lim
X7 COS X 7 COoS X
. SIn7x—sinbx .. 2cos6Xxsin X
4) im——=lim——
x—0 sin x x—0 sin x

T
X—>=
2

= Iirr0120056x:2.

=lim(2cosx+2sinx)=2.

Fb: ThayTrongDGL
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J2
J7 - 2c05x 2[2—cosx 2(COSZ—COSXJ
5) lim lim =lim

M T :Hz . T x T . T
2 8in| X—— 4 Sin| X—— 4 sin| x——
(i) meenley) o)
—4sin(g+;jsin(g—;j 25in(78[+)2()
I|m =i =2

=1lim =
s X X T X
2sin| === |cos| = —= 4 COS| ———
(2 8) [2 8) (2 8)
_3 1-cosx)-cos? x
&) lim =YX i, ( )

x—0 2 x—0 .
tan”x S|n2x~(1+§/cosx+\3/coszxj

) cos? x
=lim =

7 (1+cos x)-(1+ 3lcos x + 3cos? x)

|

ol
gk ) P

) 23in(x—”j
7) “msmx—_\/fcosx:"m_ ) 3 _ lim _lim =_§-
S I S )
3

8) lim tan2x-tan(£—xj =lim [Ztanx 1- tanx}_l —Ztanx =1.
L3 4 1—tan®x 1+tanx (1+tanx)

x>
4

9) lim COS3X+2€0S2X+2 _ 4¢0s® X —3¢0S X + 4 C0s” X
o sin3x o 3sin x—4sin® x

[cosx—cosﬂj(2005x+3)cosx
_lim (2cosx—1)(2cos x+3)cos x _pi 3

x%(Zsin x+\/§)(23in x—\/§)sinx erg 3

[ X
—-sin| —+
(2

3 _ 2
10) lim Ytanx-1_ . (tan x—1)cos® x

ot 2sin° X1 X*Z(l—tanzx).[(i/tanx)z+\3/tanx+1}

) —cos? x 1
=lim -

. (1+tan x)[(i/tan x)2 +3/tan x +1} 12°

=lim
V3

j(2cosx+3)cosx i 23
( 3

2sin x+\/_)sm X

Fb: ThayTrongDGL Tai liéu bién soan va swu tam Chtc cac em hoc tot !
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Tinh céc gi¢i han sau:

1) 1im %=1 ps: 0
x>0 sin4x

3) lim— N 2X ps: -1
x>0 1—8In 2X —C0S 2X

5) Iimsm5X__SIn3X PS: 2
x=0 sin X

J2sinx-1 PS: Q

7) lim 5 :
H% 2cos” x-1 4

sin(4—xj
9 lim———< PS: \/E
) Hﬁl—\/isinx

4

2) Iim1+s!n2X_COSZX pS: -1
x-01—sin 2X — COS 2X

a) im2=%X pg: o
x>0 SN X

6) |im(_i—ij ps: 0
x>0\ sInX tanx

sin(”— xj
8) im0 ) pg. 23

o 1-2sinx "3

10) Iim(
sin 2x

x—0

—cot xj PS: 0

Fb: ThayTrongDGL
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