Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé Group: Strong Team TOAN VD-VDC-New

CAC PHAN CHINH CUA CHUYEN DE

VAN PE 1. BIEU DIEN VEC TO
VAN DE 2. BA PIEM THANG HANG
VAN PE 3. QUY TiCH

VAN PE 4. Ti LE

VAN DE 5. MIN,MAX

VAN PE 6 TiCH VO HUONG

Phén I: Dé Bai
Trang: VD1-P1; VD2-P12; VD3-P14; VD4-P17; VD5-P20; VD6-P28
Phan II: Huéng Din Giai
Trang: VD1-P35; VD2-P74; VD3-P88; VD4-P99; VD5-P110; VD6-P149
VAN DE 1. BIEU DIEN VEC TO
Email: daytoan2018@gmail.com

Caul: Cho tam gidc ABC biét AB=3,BC =4,AC =6, I la tim dudng tron ndi tiép tam gidc ABC

.Goi x,y,z lacac ) thuc duong thoa man X.E +yj1§+ z.fa = 6 .Tinh P = £+Z+£
y z X
A.Pzg. B.Pzﬂ. C.Pzé. D.Pzz.
4 12 12 3

Ho va tén tac gia: Vi Ngoc Thanh Tén FB: Vii Ngoc Thanh
Cau2: Cho hinh binh hanh 4BCD. Goi I la trung diém ciia CD, G 1a trong tdm tam giac BCI . it
a=AB,b=AD. Hay tim déang thirc ding trong cac dang thic sau?

A AG="a+%b.  B.AG="a+b.
6 3 6
C. AG=a+2b. D. AG=2a+25.
6 3 3

Hy va tén tic gia: Nguyén Thi Tiét Hanh Tén FB: Hanbhtiettiet, Email:
tiethanh. 78@gmail.com
Ciu 3: Cho tam giac ABC véi cac canh AB = ¢, BC' = a, CA = b. Goi I 1a tim duong tron ndi tiép
tam giac ABC. Pang thirc nao sau day ding.
A.aﬁ+b}§+cﬁz6 B.bfﬁl+c}§+aﬁz6

C.cIA+bIB+alC =0 D. cIA+alB+0IC =0
Ho va tén: Duong Bdo Trdm Facebook: Bdao Tram, Email: ilovemath.ddt@gmail.com

Cau4: Cho hinh thang can ABCD c6 CD la day 16n, ADC =30°. Biét DA = a, DC = b, hiy biéu
dién ﬁ theo hai vecto ﬂ va 177

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé Group: Strong Team TOAN VD-VDC-New

Cau 6:

Cau 8:

Cau 9:

A B

—»—»bax/_—

A. DB=DA+DC. B. DB=DA+~—""DC.,

[ b g — . . -
C. DB=DA+ TaDC. D. DB =bDA+aDC.
Ho tén: D6 Thi Hong Anh, B/c mail: honganhl61079@gmail.com

Email: kimduyenhtk@gmail.com, FB: Kim Duyén Nguyén.

Cho hinh binh hanh ABCD, M 1a diém thoa mén 5X]\—/j + 2CT4 = 6 Trén cac canh AB, BC
lan luot 14y cac diém P, O sao cho MP / /BC, MQ / /AB. Goi N la giao diém cua AQ va

‘N
CP . Gi4 tri cua tong A—N + C— bang;
AQ CP
L B. 2% c = D. 2
19 19 19 19

Ho va tén tac gia: Pham Thi Ngoc Tén FB: Giang Thao
Email: thuangiaoyen@gmail.com

Cho tir giac ABCD, M la diém tuy y. K la diém cb6 dinh théa méin dang thic
MA +MB+MC+3MD = xMK . Tim x:
A. 2. B. 6. C.5. D. 4.

Email: kimduyenhtk@gmail.com, FB: Kim Duyén Nguyén.

Cho tam giac ABC | trén canh AC léy diém M | trén canh BC 1éy diém N sao cho
AM =3MC  NC =2NB . Goi O 1a giao diém cua AN va BM | Tinh dién tich tam giac
ABC biét dién tich tam giac OBN bing 1.
A. 24. B. 20. C. 30. D. 45

Ho va tén: Nguyén Thanh Hoai, Email: ngthhoail 705@gmail.com

Cho tam giac ABC, goi I la diém trén BC kéo dai sao cho IB=3IC. Goi J,K lan luot 1a

nhitng diém trén canh AC, AB sao cho JA=2JC;KB =3KA . Khi d6 BC =m.Al +n.JK . Tinh
tong P=m+n?

A. P=34. B. P=-34. C. P=-14. D. P=14.
Ho va tén tic gid: Tran Ngoc Uyén Tén FB: Tran Ngoc Uyen, Email:
ngocuyen203@gmail.com

Cho hinh binh hanh ABCD, léy M trén canh AB va N trén canh CD sao cho
mzéA—B,D—NzéD—C.GQiIVéJlécécdiémthéamﬁn BI =mBC, AJ = ndl .

Khi J 14 trong tAm tam giac BMN thi tich m.n bang bao nhiéu?

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

1 2
.= B.3 C. - D.1
3 3
(Ho va tén tic gia: Pham Vin Hudn, Tén FB: Pham Van Huan)

A

Cho tam giac ABC, trén canh AB 14 y diém M, trén canh BC 14 y N sao cho AM=3MB,
NC=2BN. Goi I 14 giao diém ctia AN vi CM. Tinh dién tich tam giac ABC biét dién tich tam
gidc ICN bang 2.
A. 3 B. 33 C.11 D. 2
2 2 11
Ho va tén: Hiva Nguyén Twong Vy, Email: namlongkontum@gmail.com, FB: nguyennga

Cho AABC ¢6 trong tm G va hai diém M, N théa man: 3MA —2CM =0, NA—2NB =0.
Chon ménh dé ding.
A. NG=4GM . B. NG =5GM . C. NG =6GM . D. NG=7GM .

(Ho va tén tic gia: Tran Céng Son, Tén FB: Tran Cong Son)

(Pang thirc vec to) Cho tam giac ABC . Goi A', B'C' 1a cac diém xac dinh boi
20184'B+20194'C =0, 2018B'C+2019B'A=0, 2018C'4+2019C'B=0. Khi do,
ménh d& nao sau day ding?
A. AABC va AA'B'C'cé cung trong tam.
B. AABC=AA'B'C".
C. AABC ~AA'B'C".
D. AABC va AA'B'C' c¢6 cung truc tam.
(Email): tranminhthao2011@gmail.com

(tinh d6 dai vec to) Cho tam giac déu ABC canh a . Goi diém M 1 trung diém BC . Tinh 46

dai cua vec to %ﬂ? +2A4C

A 221 B.a\/i. c. w2l D.am.
3 2 4 7

Cho AABC c6 M 1a trung diém cua BC, H 1a truc tam, O 13 tim duong tron ngoai tiép. Tim x
dé HA+HB+HC = xHO.
A, x=2. B. x=-2. C.x=1. D. x=3.

Ho va tén: T rdn Quoc An, Email: tranquocanl980@gmail.com, Facebook: Tran Quoc An

Cho tam gidc ABC c6 dudng trung tuyén CM vudng goéc véi phan giac trong AL . Gia st
2
ngoai ra con c6 CM = kAL . Biét cos A =LZ];2. Tinh a+b+c+d
c+
A. 18. B. 5. C. 26. D. 17.
(Buii Duy Nam swu tim. FB: Biii Duy Nam https://www.facebook.com/duynam.bui.l)

—

Cho tam gidc ABC. Goi M, N, P 1a cac diém Ian luot thoa man MA+3MB =0, AN = %AC,

2PB+3PC=0 Goi K la giao diém cua AP va MN. Trong cac ménh dé sau, ménh d& nao
ding?

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé Group: Strong Team TOAN VD-VDC-New

Caul17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

A. 4KA+5KP=0.  B.3KA+2KP=0.

C. KA+KP=0. D. KA=KP.
Hg va tén: Pham Thanh My, Email: phamthanhmy@gmail.com, Facebook: Pham Thanh
My

Cho hinh thang ABCD(AB//CD) c¢6 hai duong chéo vuéng goc v6i nhau. Biét
AB+CD =20cm. Tim [4C+ BD).

A. 40cm. . B. 20cm. . C. 30cm.. D. 10cm..
Ho va tén tic gia: Nguyén Thi Yén Tén FB: Nguyén Yén, Email: ntyen.c3lgd@gmail.com

Cho tam gidc ABC c6 AB=3; AC=4 .Goi AD la duong phan giac trong cia goc A .Biét
AD =mAB +nAC Khi d6 tobng m+n c6 gia tri 1a:
1 1

A. 1 B. -1 C. = D. ——
7 7

Ho va tén tac gia:Lé Thanh Lam, Mail:quyphucva@gmail.com Fb:Thanh Lam Lé

Cho tam giac ABC bat ky, goi M,N,P lan luot 1a trung diém cac canh 4B,BC,CA. H,H'
lan luot 14 truc tAm cac tam gidc 4BC, MNP . Khing dinh nao dung trong cac khing dinh sau?
A. HA+HB+HC =3HH". B. HA+HB+HC =2HH'.
C. Hi+HB+HC=0. D. HM + HN+ HP=3HH"'.
Cho tam giac déu ABC tam O. M 1a mot diém bét ki bén trong tam giac. Goi D, E, F 1an luot 1a
hinh chiéu ciia M 1én BC, CA, AB. Vi gia tri nao cia k ta c6 hé thirc:

MD + ME + MF = kMO
l. B. k=1. C.kzé. D. k=2
2 2
Huynh Kim Linh GV Truong THPT Chuyén Lé Quy Don Khanh Hoa
Mot gia d& hinh tam dwgc gan vao tudng (nhu hinh v&). Tam giac ABC vudng can tai B.
Nguoi ta treo vao diém A mot vat nang 10N. Tinh d6 16n cta cac luc tac dong vao tuong tai B
va C? (B6 qua khdi luong cua gia dd)

B A

10N

A. F, =102N,F. =10N
B. F, =10N,F. =102

H Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

C. F,=F.=10N
D. F, =10N,F. =—10v2

Ho va tén: Nguyén Thanh Ding Tén FB: Nguyén Thanh Diing,Email:
thanhdungtoan6@gmail.com

Cau 22: Chobadiém 4, B,C thuoc duong tron tim O, théa man OA+OC+OB =0 Tinh goc A0B9

A. AOB=120". B. AOB=90". C. AOB=150". D. A0B =30".
Ho va tén: T ran Gia Chudn, Tén facebook: T ran Gia Chudn

Cau 23: Cho tam giac ABC. Piém M trén canh BC thoa min AM :%.ﬁJr%.R’, khflng dinh nao

sau day 1a khang dinh dting?
A. MB=2MC. B. MB=2MC . C. MC =2MB. D. MC =-3MB.
Hovatén: T ran Gia Chudn, Tén facebook: T ran Gia Chudn

du 24. Cho tam giac déu ABC ndi tiép dudng tron tim O, M 1a mot diém tiy ¥ ndm bén
trong tam giac di cho; goi A" B';C 'theo thtr tw 14 hinh chiéu vudng goc ciia M 1én cac canh

BC;CA va AB . Khi d6 ta c6 dang thirc vecto k(MA' +MB" +MC')= IMO , k.l # o,? 1a

phan s t6i gian. Tinh 2k2 — /2.
A. 2K -1 =1. B. 2k* -1 =-1. C.2k* -1’ =14. D. 2k* -1* =-5.
Ho va tén tac gia: Cao Van Tung Tén FB: Cao Tung

Cau 24: Cho hinh vuéng ABCD, E,F thda man BE = %B—c;@ = —%@ : AENBF =1
Ta cb Al =kAB+IAD . Khi dé ti s6 k,1 thoa man cdp nao sau:

2

B. kzé;lz
5 5

A. kzg;lz2
5 5

Hp tén: Nguyén Thi Trang, Fb: Trang Nguyen

Cau 25: Cho tam giac ABC , trén canh AC léy diém M , trén canh BC léy diém N sao cho:
AM = 3MC, NC=2NB , 801 O 1a giao diém cua AN va BM .Tinh dién tich AABC pigt dién
tich AOBN bang 1.
A. 10. B. 20. C. 25. D. 30.
(Ho va tén tic gia: Nguyén Thi Phwong Théo, Tén FB: Nguyén Thi Phwong Théo)
Cau 26: Cho tam giac ABC c6 truc tim H, trong tdm G va tdm dudng tron ngoai tiép O. Chon khing

dinh dung?
A. HA + HB+HC = 4HO . B. HA + HB+ HC = 2HO.
C. ﬁ+ﬁ+1?c:%1?o. D. HA -+ HB + HC = 3HO.

Ho va tén: Nguyén Viin Quin Tén FB: Quéin Nguyén, Email: Quanvan09@gmail.com

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 27: Cho tam giac ABC ¢é D la trung diém cia BC, O la mot diém trén doan AD sao cho
AO=40D. Goi {E}=CONAB,{F}=BONAC, {M}=ADNEF . Khiang dinh nao sau
day dang?

— 2 1 2

A. M—O:%ﬂ) B. MO:EE C.M—ozgﬂ) D.W:7R‘

Ho va tén tic gia: Nguyén Ding, Tén facebook: NT AG
Ciau 28: Cho hinh thang ABCD ¢é AB//CD. Goi M, N lan lrgt 13 trung diém ctia AC,BD. Ké
NH L AD (H € AD)va ME 1 BC (E € BC). Goi {I}=MENNH , ké IK 1L DC (K € DC).
Khi do trong tam giac MNK hé thirc nao sau diy diung?
A. MK.IN + NK.IM + MN.IK =0 B. IN.tan N + IM.tan M + IK.tan K =0

C. IN.cot N+ IM .cot M + IK.cot K =0 D. IM+IN+IK =0
Ho va tén tic gia: Nguyén Vin Todn Tén FB: Diu Vét Hat,Email:
nguyenvantoannbk@gmail.com

Cau 29: Cho AABC, diém M thudc canh BC sao cho 2018.5,,,, =2019.S, ., . Pang thiic ndo sau

day sai?
A. 2018.5, ;. = 4037.8, 100 - B. 2018.BM +2019.CM =0.
— 4037 —— 2019
C. BC=——BM D. S oy =——Suzc-
2018 MM 4037 M
Cau 30: Cho tam gidc 4BC. M la diém ndm trén canh BC sao cho S, =3S,,,.. Mot duong thing
. 5 T AB A AM
cat cac canh AB, AM, AC lan luot tai B',M',C" phan biét. Biét rang +2 ¢ =k. )
AB"  AC AM’
Tim s6 & .
A. k=1. B. k=2. C. k=3. D.%.

3
(T4c gia: Nguyén Vin Phung,Gmail: nvpmaster0808@gmail.com)

Cau31: Cho n diém phan biét trén mat phfmg. Ban An ki hiéu ching 1a 4, 4

D 9eeey

A,. Ban Binh ki hiéu

ching 1a B,,B,,....B, (A4, # B,). Vecto tong A,B, + A4,B, +...+ A B, bang
A. 0. B. 44, . C. BB, . D. 4B, .
(Swu tam, Tén FB: Trung Nguyén Chi)
Céu 32: Trong duong tron (O) véi hai ddy cung AB va CD cit nhau tai M. Qua trung diém S ctua BD ké

AM?
CM*

SM cét AC tai K sao cho ﬁ =q .Tinh:
CK

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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I Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé Group: Strong Team TOAN VD-VDC-New I

1
A.2a B. @’ C.— D.a
a

Cau 33: Cho tam giac ABC. Goi D, E 13n luot 1a céc diém théa man: BD = %R‘,E = iR‘.

.2 . 2 . ) . AK
biém K trén AD sao cho 3 diem B, K,E thang hang. Xac dinh ty so =

AL B. L c.t D. L
2 3 4 5
Cau 34: Cho tam gidc ABC vuong tai C, c6 AC = b, BC = a, D 1a chan duong cao ké tir C.
Khang dinh nao sau day la ding?
2 2 2 2
A CD=—"_ci+— " _¢B. B.CD=—"_ci-—" _CB.
a +b a +b a +b a +b
2 2 2 2
c.Ch=—%_ac+-2 B p.cD=-—*_ac-—" _sc.
a +b a +b a +b a +b

Facebook: Lé Vin Ky, Email: lethithuy@thpthv.vn

Céu 35: Cho tam giac ABC c6 trong tdm G. Goi | 1a diém xac dinh boi 5IA—7IB-IC =0. Goi E la
giao diém ciia Al va BG. Tinh ty s6 i—?

C.3. D. l

1
=y 3
(Ho tén tic gia: Nguyén Thi Thu Huyén. Tén FB: Thu Huyen Nguyen)

A. 2. B

Ciu 36: Cho 2 tia Ox, Oy vudng goc. Trén tia Ox lay cac diém A,B sao cho OA = OB = 1. C la diém
thudc doan OA, N 13 mot diém thude doan OB va dung hinh vu6ng OCMN. Trén doan CM léy

diém Q va dung hinh vudng ACQP. Goi S 1a giao diém cia AM va PN. Gia st OC = kOA,

A—’szxm’,ﬁs;yﬁo,keeﬂj

Khix+y= % thik = %, V6i a,b € N va a, b nguyén t6 cling nhau thi a.b bang

A.7 B.4 C.5 D. 12
Email: nghiepbt3@gmail.com, FB: Ngoé Quang Nghiép
Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cho tam gidc ABC. Gia sir diém M nam trén canh BC thoa cic tam giac MAB,MAC lan
luot co dién tich 1a S, S, . Khéng dinh nao sau day dung?
A. (S, +S,)AM = S, 4B+, AC. B. (S,+8S,)AM =S, AB+S, AC.
C.(S,-S,)AM =S, 4B~ S, AC. D. (S,-S,)AM = S,AB-S, AC.

Hp Tén: Lé Duy Tén FB: Duy Lé Email: Duyleag@gmail.com

\ — —1-— :
Cho tam giac ABC c6 c6 M la trung diém cua BC, Al = TMI . Biém K thudc canh AC sao

cho B,LK thang hang. Khi d6 KA=""CK . Tinh S =25m+6n+2019
n

A. §=2019. B. §=2068. C. §=2018. D. §=2020.
Ho va tén tic gia: Nguyén Pirc Duin Tén FB: Duan Nguyen Duc, Email:
Duanquy@gmail.com

Cho tam giac ABC c6 trong tim G, lay cac diém I, J sao cho TA =2IB va 3JA+2JC =0 va thoa
min dang thire 17 =kIG . Gia tri cta biéu thirc P =(25k* —36)(k>+k+1)" 1a:

A. P=1235 B. P=0 C.P:% D.P:g

Hy va tén: Nguyén Quang Huy, Fb: Nguyén Quang Huy, Email: boigiabao98@gmail.com

Cho tam gidc ABC . M la diém nam trén canh BC sao cho S50 = 35 0 - MOt dudng thang

cit cac canh AB,AM,AC lan luot tai B',M',C"' phan biét. Biét AB +m AC _ n AM )
AB' AC! AM'

Tinh m+n.

A. 2. B. 5. C.3. D. 4.

(Ho va tén tic gia: Nguyén Thi Tra My, Tén FB: Nguyén My)

Cho tam giac ABC ¢6 D la trung diém cia BC, O 1a mot diém trén doan AD sao cho
AO=40D. Goi {E}=CONAB,{F}=BONAC, {M}=ADNEF . Khing dinh nao sau
day dang?

— 2

A WZ%E B. M0 =~ 4D C.ATO:%E D.W:%FG

Ho va tén tic gia: Nguyén Ding, Tén facebook: NT AG
Cho hinh thang ABCD c6 AB//CD. Goi M,N lan luet 1a trung diém cia AC,BD. Ké
NH L AD (H € AD)vd ME 1 BC (E € BC). Goi {I}=MENNH , ké IK 1 DC (K € DC).
Khi d6 trong tam giac MNK hé thirc nao sau day diang?
A. MK.IN + NK.IM + MN.IK =0 B. IN.tan N + IM.tan M + IK .tan K =0
C. IN.cot N+ IM.cot M + IK.cotK =0 D. IM+IN+IK =0
Cho hinh binh hanh 4BCD. Goi I la trung diém cua CD, G la trong tam tam giac BCI . it
a=AB,b=AD. Hay tim dang thiic dung trong cac dang thirc sau?

A AG="a+%5.  B.AG=a+h.
6 3 6

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

C. 4G =a+2b. D. AG=23125.
6 3 3

Ho va tén tic gia: Nguyén Thi Tiét Hanh Tén FB: Hanhtiettiet, Email:
tiethanh. 78@gmail.com

Ciu 44: Mot duong thang cit cac canh DA, DC va dudng chéo DB cilia hinh binh hanh ABCD lan
luot tai cac diém E, F va M. Biét DE = m.DA, DF =n.DC (m, n>0). Khang dinh ding la:

A.DM="*"PE. B.DM=-"_DB.
m.n m+n

C.DM=—"_DB. D.DM=""DB.
m-+n m-+n

(Email): locleduc10@gmail.com
(Ho va tén tac gia: Lé Diwrc Loc, Tén FB: Lé Dvc Lic)

Chu 45: Hinh thang cAn ABCD c6 do dai duong cao AH =a; AB//CD, AB = a/3; AD = a\J2; AB < DC

x+y\/;—

AC;x;y;zzme N

AC ct BH tai I, Biét Al = -

Tinh tong T =x+y+z+m

A. 20 B. 18 C.17 D. 21
Hy va tén tdc gid: Nguyén Thi Phwong Thu FB: Buisonca Bui

Ciu 46: Cho hinh thang ABCD véi O 1a giao diém ciia hai duong chéo AC va BD. Qua O v& dudng
thang song song v&i day hinh thang, duong thang nay cat cic canh bén AD va BC theo thir tyr
taiM vaN. V6i AB=a, CD=b, khi d6 MN bing:

A a.AB+b.DC . B. b.AB+a.DC ‘ C. a.AB-b.DC . D. b.AB—-a.DC ‘
a+b a+b a+b a+b
Ho va tén: Nguyén Thanh Tam Tén FB: Tam Nguyén

Ciu 47: Cho tam giac ABC déu tam O; diém M thudc mién trong tam giac OBC; D, E | F lan luot
13 hinh chiéu vuéng goc cia M trén BC, CA, AB . Khing dinh nao sau day dung?

A.WH\TEH\F:%W. B. MD+ ME + MF = MO .

C. MD + ME + MF =330 . D. MB + ME+ MF =2 MO
Phan Minh Tam
VAN DE 2. BA PIEM THANG HANG
Email: phunghang10phS5s@gmail.com
CAu 48: Cho hinh binh hanh ABCD c¢6 cac diém M, I, N lan luot thudc cac canh 4B, BC,CD sao cho
AM :%AB, BI =kBC, CN :%CD. Goi G la trong tam tam giac BMN . Xac dinh k dé Ar di

qua G.

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

L B. . c.t D. 2.
3 13 11 13
Ho va tén tic gi: Phung Hing Tén FB: Phing Hing

A

Ciu 49: Cho tam giac ABC . Goi M la diém thudc canh AB, N 1a diém thudc canh AC sao cho
AM = %AB, AN = %A C'. Goi O 1a giao diém cua CM va BN. Trén duong thang BC iy E.

Pit BE = ¢BC..
Timx & A, O, E théng hang.

Chon C

A.

w |

B. 2 c. 2 p. %
9 13 T

Nt By
QN
/Q Y tudng: Cho tam giac ABC, [ la trung di€ém cua BC. Goi P, Q, R la cac diém xac

dinh béi:
AP = pAB, AQ = qAI, AR = r AC véi pqr#0.
. PRI 2 \ A B |
Ching minh rang: P, Q, Rthang hang khi va chi khi —=—+—.
q9 pr

Ho va tén: Nguyén Thanh Diing Tén FB: Nguyén Thanh Diing, Email:
thanhdungtoan6@gmail.com
Cau 50: Cho tam giac ABC. Goi I 1a trung diém BC; P 1a diém d6i ximg v6i 4 qua B ; R 1a diém

trén canh AC sao cho AR =§AC . Khi d6 duong thang AR di qua diém nao trong cic diém

sau day?
A. Trong tam tam giac ABC'. B. Trong tam tam gidc ABI .
C. Trung diém Al. D. Trung diém BI .

Nhes,
-Q): | | | |

/Q (c6 the phat trién P, J, G, M, R thang hang véi J — co [€ 1a trung diem BH, con M chia
Al theo ty sb tinh duoc)

Cau 51: ChoA4BC ¢y [ 1a trung diém cua AB va G€ AC:GC=24G Goj F 1a giao diém cia CH
va BG  Tim diém 1 trén BC sao cho 1,F, 4 thang hang
A. IC=-2IB. B. IB=-2IC. C. IB=1IC. D. IC =-3IB.

Ciu 52: Cho tam giac ABC. I 1a trung diém ctua BC. Goi M, N, P lan lugt 1a cic diém xac dinh boi
AM = mﬂ?;ﬁ\f = nm;ﬂ? = pR’, voi mnp = 0. Tim diéu kién cua m,n, p dé M, N, P thﬁng
hang.

A. mp=mn+np B. 2mp =mn+np C. 2np=mn+mp D. 2mn=mp +np
Ho va tén tac gia: Hoang Thi Tra FB: Hoang Tra

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

|

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cho tam giac ABC. Goi G 1a trong tdm ctia tam giac, I 14 trung diém ciia BC, M va N 1a cac
1

7 CN==BC , ,
diém duoc xac dinh boi 2 . Goi P 1a giao diém cia AC va MN. Tinh ti s0 dién
3MA+4MB =0
tich tam giac ANP va tam giac CNP.
A.3 B. 7 C.4 D.2
2
‘ 7 BD=2BC, AE=-AC |

Cho tam giac ABC. Goi D, E lan lugt 1a cac diém thoa man: 3 4 . biém

T, B N | |
K trén AD thoa man b (voi b 1a phan s6 tbi gian) sao cho 3 diém B,K,E thing
hang. Tinh P=a’ +b°.
A. P=10. B. P=13. C. P=29. D. P=5.

Cho tam giac ABC, I 14 diém thoa man: 2IA—-IB+4IC =0
K 13 diém thoa man: KA+2KB+3KC =0

P 13 diém théa min: PA+mPB+nPC =0
C6 bao nhiéu cap (m,n), mmnezZ, mne [—10;10] saocho I,K,P théng hang.

A.2 B.3 C. 4 D.5
Email: themhaitotoanypl@gmail.com, (Fb: Luu Thém)

Cho tam giac ABC, M va N 12 hai diém thoa man: BM =BC-24B , CN = xZE—EE" Xac

dinh X dé¢ A, M, N thing hang.

A. 3. B. —l. C. 2. D. —l.

3 2
Email : boyhanam@gmail.com

Cho tam giac ABC ¢4 G 1a trong tam, I 1a trung diém AG | lay K thudc canh AC sao cho
AK =kAC . Néu B, LK thang hang thi gia tri ciia X nam trong khoang?

1 1 11 1
A. [0;—} B. [0;—) C. [—;—j D. [—;lj
6 2 53 5
(Ho tén: Nguyén Thu Hwong. Tén FB: Thu Huong)

Cho tam giac ABC, M 1a diém thudc canh AC a0 choMA=-2MC , N thuéc BM sao cho

NB=-3NM | p 13 diém thuoc BC . Biét ring ba diém 4, N,P thing hang khi PB=kPC,
Khang dinh nio sau day la diing?

A. ke(—3;—§]. B. ke(—é;—lj. C. (—l;—lj. D. (—1;0].
2 2 2 2

Ho va tén: Trdn Vin Ludt, Email: Tviuatc3tt@gmail.com, FB: Tran Ludt

Ho va tén: Hoang Thi Kim Lién

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com

11



H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Ciu 59: Cho tam giac ABC. Goi M, N, P lan luot nam trén duong thang BC, CA, AB sao cho

MB =mMC , NC=nNA, PA=kPB . Tinh tich mnk dé M, N, P thing hang?
A. 1. B. -1. C.2. D. 2.
Email: lientiencl@gmail.com, Facebook: Kim Lién

Cau 60: Cho hinh binh hanh ABCD goi M la trung diém cua canh CD, N 13 diém thudc canh 4D sao cho
1 , .
AN = EAD. Goi G la trong tam cua tam giac BMN, duong thang AG cat BC tai K. Khi do

BK = BC (™ 1at5i gian). Tinh S =m+n
n n

A. S=16. B.S=17. C.S=18. D. S=19.
( Tén FB: Phing Hang )

Céu 61: Cho hinh thang ABCD c6 day AB, CD, CD=2A4AB .M , N 1an luot 1a cac diém thudc canh
AD va BC sao cho AM =5MD , 3BN =2NC . Goi P 1a giao diém cia AC va MN ; Q la

giao diém cua BD va MN ; Khi d6 M | ON =2 voi L 1a phan s6 i gian. Khi do a+b
PN OM b b

bang

A. 386. B. 385. C. 287. D. 288.

Ho tén: Bui Thi Loi Facebook: LoiBui

Cau 62: Cho tam giac ABC, trén canh AC léy diém M, trén canh BC léy diém N sao cho AM = 3MC, NC
= 2BN. Goi I 1a giao diém cta AN va BN. Tinh dién tich tam giac ABC biét dién tich tam gidc
ABN biang 4.

A. S ;- =110. B. S, =115. C. S, =125. D. §,-=120.

Ho va tén tic gid: Vii Thi Hang Tén FB: Dat Lam Huy

ABC ABC ABC

Cau 63: Cho tam giac ABC M thudc canh AC sao cho MA = -2.MC , N thuoc BM sao cho
NB = —3.NM , P thudc BC sao cho PB =k.PC. Tim gia tri k dé ba diém A, N, P théng hang.

1 1
—. ck=-2. chk=—=. k=2,
> B C > D

Ho va tén: Nguyén Khic Sam Facebook: Nguyén Khic Sim

A. k=

VAN DE 3. QUY TiCH

Céu 64: Cho tam gidc ABC véi J 1a diém thoa man 2JA+5JB+3JC =0, goi E 1a diém thuoc
AB va thoa man AE = k’A—B Xac dinh ¥ dé C, E, J thang hang.
A. ke(-2;-1). B. ke (-1;0). C. ke(0;1). D. ke(1;2)
Nguyén Viin Diing Fb: Nguyén Vin Diing, Email: dungtoanc3hbt@gmail.com
Cau 65: Cho hinh vuong ABCD tim O canh 1. Biét ring tdp hop cic diém M thoa min

2MA* + MB* +2MC* + MD? =9 1a mot duong tron co ban kinh R . Khang dinh nio sau day
ding?

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

|

A. Re(O;l). B.Re(l;Z). C. Re(%;%j. D. Re(%ﬂj.
(Swu tim: Lé Ho Quang Minh — FB: Lé Minh)

Céu 66: Cho tam giac ABC . Tap hop nhitng diém M théa mén:
4R+ 315 + 7] = |2V — 315 - 7]

A. Puong thang di qua 4 B. Pudng thang qua B vaC
C. Puong tron D. Mot diém duy nhat.
(Ho va tén tic gia: Cin Vi¢t Hung, Tén FB: Viet Hung)

Ciu 67: Cho tam giac ABC c6 hai dinh B, C ¢6 dinh véi BC =2a. Goi H 1a tryc tim ciia tam giac
ABC va M Ia trung diém cia doan BC. Néu dinh A thay d6i nhung Iuén thda
MAMH + MA® = 4a° thi diém A luon thugc mot dudng tron ¢ dinh c6 ban kinh béng
A. 2a. B. a3 . C. aV2. D.a.
(Ho va tén tac gida: Ngo Lé Tao, Tén FB: Ngo Lé Tao)

Cau 68: Cho hai diém 4 va B cb dinh. Tim gia tri k >0 dé tap hop diém M thoa min didu kién
MA* + MB* =k 1a mot dudng tron.

2 2
A.k<§ABZ. B.k=§ABZ. C.kﬁ%ABZ. D.k>§AB2.

Ciu 69: Cho tam gidc vuéng ABC tai A. Tim tap hop M sao cho MB* + MC* = MA® .
A. Puong thing. B. Budng tron. C. Doan thang. D. Mot diém.
PHAM THANH LIEM FB: Liém Pham, Email: Phamthanhliem1@gmail.com

Céu 70: Cho tam gidc ABC vudng can tai 4 c6 AB=5cm. Goi (S) 1a tap hop cac diém M trong mit
phang thoa man hé thuc: MAMB + MAMC =25 . Goi I 1a trung diém cua BC . Két luan nao
sau day dang?

A. (S) 1a dudng thang trung truc cta doan thang A7 .
B. (S) 1a doan thang AT .

C. (S) 1a dudng tron cb dinh ban kinh R = @.

542

D. () la duong tron tdm / ban kinh R = e
(Ho va tén tac gia: Trinh Van Thach, FB: www.facebook.com/thachtv.tc3)
Ciu71: Cho tam giac déu ABC canh a . Tép hop cac diém M théa min dang thic
5a°

4MA* + MB* + MC* = = nam trén mot dudng tron (C) 6 ban kinh 1a:

AL B. C. a3

N y D.%.

Cau72: Cho AABC . Tim tap hop cac diém M sao cho: ‘M—A+3m—2M—C‘ :‘2M—A—M3—M—C‘.

a

NN

A. Téap hop cac diém M 1a mot dudng tron.

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

B. Tap hop ctia cac diém M 1a mot duong thang.

C. Tap hop cac diém M 1a tap rong.

D. Téap hop cac diém M chi 1a mot diém tring voi 4.

Cho tam giac déu ABC canh a . Tap hop cic diém M thoa min dang thic

2

4MA* + MB* + MC* = 5% nam trén mot dudng tron (C) c6 ban kinh 1a:

C. a3 a

. D. —.
2 J6

Ho va tén tac gia: Vi Thi Nga Tén FB: Linh Nga,Email: linhnga.tvb@gmail.com

B.

ENEEN

a
A, —.
V3

Cho aABC @éu, c6 canh bang a. Khi d6 tdp hop nhimg diém M sao cho

2

| N}

MAMB +MBMC +MC.MA = 0 la:
A. Pudng tron ¢6 ban kinh R =% :
B. Buong tron c6 ban kinh R =g .

a2

C. Puong tron c6 ban kinh R = =

a3

D. Buong tron c6 ban kinh R = 5

Cho AABC tim tap hop diém M : MB.MC = AM*
Ho va tén tic gid: Té Quoc An Tén FB: Té Quéc An, Email: antqg4949@gmail.com
Cho tam giac déu ABC canh bang 3. Biét rang tip hop cac diém M théa mén dang thirc
2MA +3MB + 4ATC‘ - ‘Mé —M‘ I3 dwdmg tron ¢b dinh 6 bén kinh bing:
1 3 b L
-3 S S
(Ho tén: Lé Thi Bich Hai, Tén face: Bich Hai Le)

A. 1. B

Cho tam giac ABC c6 la trong tam G . Tim tip hop diém M thoa man
. \2 e . N2 . 2

(MA+MB -~ MC + BC) +(MA+MC-3MG) =(CB+AC) .

A. Buong tron duong kinh 4B . B. Dudng trung truc doan thang 4B .

C. Buong tron duong kinh AC'. D. Puong trung truc doan thing AC .
(Ho va tén tic gia: Tran Vin Thong, Tén FB: Trin Thong)

Cho doan thiang AB = J5 . Biét rang tap hop diém M thoa man MA® + MB* = 3MAMB la

mot duong tron c6 ban kinh R . Tim gia tri cua R.

A.Rzé. B.Rzﬁ. C.R=—. D. R=—.
2 2 2

(Ho va tén tic gia: Tran Vin Thong, Tén FB: Trin Thong)

3

N | W

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cho tam giac ABC , ¢6 bao nhiéu diém M thoéa [MA+MB+MC|=57?

A. 1. B.2.
C. vo sb. D. Khéng co6 diém nao.
Hy va tén: Vé Khdanh Huyén Vin Fb: Vin Vi, Email: huyenvanqt050185@gmail.com

VAN PE 4. TI LE

Cho AABC ¢6 AB=3;AC =4, Phan giac trong AD cta goc BAC cét trung tuyén BM tai

I . Tinh A—D
Al
AD AD 1
AD 3 g A2 _10 c.40_2 pA2_7
Al 2 Al 7 Al 20 Al 5

Ho va Tén: T rin Quoc Pai, Email: quocdail 987@gmail.com

[D¢ thi olympic 30/4 TPHCM khéi khong chuyén 1an 2 ] Cho 44BC goi diém D nam trén
canh BC sao cho BD=2BC, E la trung diém cta AD . Mot dudng thiang bt ki qua E va cit

cac canh AB; AC lan luot tai M, N . Tinh ti sb £+2£
AM AN
A B o AC ¢ B 4B pAC s
AM AN AM AN
c. 2B pAC 28 AB HACD
AM AN 5 AM AN 5

Hp va Tén: Tran Quéc Pai, Email: quocdail 98 7@gmail.com
Cho tam gidc ABC . Trén canh 4B liy diém D sao cho AD =2DB . Trén canh AC liy diém

. , . BN
E sao cho CE=3EA. Goi M la trung di€ém cua DE . Tia AM cat BC tai N . Ti s0 N cod

gia tri la:
1 1 2
A. —. B.g. C.—-. D. —.
4 8 2 7

Ho va tén tic gida: P6 Vin Pirc Tén FB: D6 Viin Pirc

(Bdi todn tong qudt ciia bai todn 1). Cho tam giac ABC . Goi I 1a diém chia BC theo ti s k .
AB AC

Trén céc tia AB va AC lay cac diém M,N. Al cit MN tai P. Pit —=b, —=c. Ty
AM AN
s6 AL c6 gia tri ban
AP g 1 g
. b+kc. B. b—kc. C. c+kb. . c—kb_
1+k 1-k 1+k 1-k
(Hé qua hay ding ciia bai todn 2). Cho tam gidc ABC . Goi I 1a trung diém cta BC. Trén cac
. . . AB AC . Al
tia AB va AC lay cac diéem M,N. Al cat MN tai P. Pat —=b, —=c . Ty s0 — ¢b
AM AN AP

gi4 tri bang

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

b 24 2b
A. Vbe . B. =<, c /e p. =<
2 2 b+c
. ) 3 o — 2= — 1—
Céu 85: Cho tam gidc ABC. Goi D,E lan luot 1a cic cac diém théa man B ZEBC,AE:ZAC.
R A < R M \ \ A AD
biém K trén doan thang AD sao cho ba diem B,K,E thang hang. Tim ti s0 K
4D _ 1 B AP _5 c. AP _2 p 4D _3
AK 3 AK AK 3 AK 2

Tén: Nam Phuwong Tén FB: Nam Phuong, Email:nguyentrietphuong@gmail.com
Cau 86: Cho tir gidc ABCD c6 hai dudng chéo cit nhau tai O théa man OC =—304, OD =—40B .
. . . . CN
Qua trung diém M cita AB dung duong thang MO cat CD tai N . Tinh ti s0 D

c.2. D.<.
3 3

Email: haivanxinh99@gmail.com Face Hdi Vin

A B. L.
4 4

Cau 87: Cho tam gisc ABC va diém I thoa man 23I4+8IB+2018IC =0 . Duong thing Al cit
dudmg thing BC tai J . Gié trj cta ti s6 % la:

A2 B. 2218 c. 28 D. >
8 23 8 23

(Ho va tén tac gia: Ngo Ngoc Ha, Tén FB: Ngo Ngoc Ha)
Cau 88: Cho tam giac ABC . Piém K chia trung tuyén AD theo ty s6 3:1 ké tir dinh.

, .. S .
Puodng thing BK chia dién tich tam giac ABC theo ty sb k =—*5  gia tri ciia k bang?
BCF

>

A k= 2 :
8

B. k= C. k== D. k=
8 5

(Ho tén: Pham Vin Binh, tén FB: Pham vin Binh)

N | W

 —

Cau 89: Cho tam giac ABC véi K 1a trung diém BC . Liy cac didm M,N thoa min AM =%TB,

e —

AN =%E . Goi I 14 giao diém cia MNva AK . Dat MI = xMN, Al = yAK . Hoi i

A3, B. 2. C. 1. D. 2.
2 3 3
Ho va tén: Tang Lam Tuwong Vinh, Facebook: tanglamtuong.vinh

Ciu 90: Cho tam giac ABC. Trén canh AB liy diém D, trén canh BC lay E, F sao cho f)—l;:%;
BE 1 BF 4 . . KD .
—=— ——=—. Duong thaing AE chia doan DF theo ty s6 —— =k . Gia tri ciia k bang?
EC 3:FC 1 KF
A k=2 B. k=1 C.h=> L
11 3 14 14

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 91:

Ciu 92:
Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

(Ho tén: Pham Vin Binh, tén FB: Pham vin Binh)
Cho tam giac ABC . Kéo dai 4B mot doan BE = AB, goi F 1a trung diém cua AC. V& hinh
binh hanh EAFG . Budng thang AG cat BC tai K . Tinh ti s0 K—C?

1
A, —. B.

4

2
D. —.

c.L.
5 7

oo | W

Ho va tén: Hoang Ngoc Lam,Email: hoangngoclammathll12@gmail.com
Cho tam giac ABC c¢6 AB=3, AC=4. Phan giac trong AD cua goc BAC cit trung tuyén

. AD
BM tai I.Tinhtis6 —.
Al

Al B L. c p. 2
8 6 7 5

(Ho va tén tic gia: Nguyén Thi Phwong Théo, Tén FB: Nguyén Thi Phwong Théo)
Cho hinh binh hanh ABCD, O 1a diém bat ki trén doan AC, dudng thang BO cit canh CD

. . AF .
tai £ va duong thang 4D tai F' sao cho EF =2BO . Ty so D bang

A. ”2‘/5. B.2. C. 142 . D. %

Ho va tén: Nguyén Viin Todn Tén FB: Diu Vét Hat,Email: nguyenvantoannbk@gmail.com

Cho hai tam giac ABC va ABC,; goi A,B,,C, lan luot 1a trong tim cac tam gidc
BCA, CAB,, ABC,. Goi G,G,,G, lan lugt la trong tdm cac tam giac ABC, ABC, ,

. GG .
A,B,C, . Tinh ti s0 ——- ta dugc ket qua :
GG,

A. 1 B.
3
Hp va Tén : Nguyén Viin Manh FB : Nguyén Vin Manh, Email :

manhluonghld@gmail.com

C.3 D. 2

N | —

VAN PE 5. MIN,MAX

Cho AABC déu canh bang 3, M la diém thuoc dudng tron ngoai tiép AABC . Pit
P=MA*—~MB*—MC*. Goi a, b 1an luot 13 gia tri 16n nhat, gia tri nho nhat cua P . Khi do,
gia tri biéu thac 7' =4a+b 1a:
A. 3. B. 6. C.9. D. 12.

Ho va tén tic gia: Phing Hang Tén FB: Phung Hing

Cho AABC va 3 sb duong x, y, z thay ddi ¢ tong binh phuong: x>+ y* +z> =k*, ke R. Gia

tri 1én nhit ciia P = xycos C + yzcos A+ zxcosB 1a:

2 2
AL B.E c.t p. L
2 2 3 3
Ho va tén tc gid: Tran Viin Ngo Tén FB: Tran Van Ngo Tth, Email:

vanngodhqn@gmail.com
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|

Cau 98:

Cau 99:

Cau 100:

Cau 101:

Cau 102:

Ciau 103:

Cau 104:

Cho hai didm 4, B e(I;6) va M e(I;3), théa man : AIB=60". Khi 4,B,M thay déi tim gia
tri nho nhit cua biéu thac P=MA+2MB ?
A. 9. B. 3+26. C.3\13. D. 63,

( Ho va tén tac gid : Dang Mo- Tu Duy Mo )
Cho tir gidc ABCD , M 1a diém tiy ¥ va cac diém 7, J, K ¢ dinh sao cho dang thirc thoa méan

v6oi moi diém M: MA+ MB + MC +3MD = kMK. Giatricuakla
A. k=3 B. k=4 C.k=5 D.k=6

Cho tam giac ABC vudng tai A. Goi o 1a goc giira hai dudng trung tuyén BD va CK. Gia
tri nho nhét ciia cos ¢ bang

4
A, — B.
5

4
C. — D.
3

NGO
AW

Cho hai diém c6 dinh G va G' 1a trong tdm cta tam giac ABC va tam giac A'B'C". Gia tri
nho nhat cua biéu thirx P = AA'+ BB'+ CC' bang
|
A. GG' B. 3GG' C. 2GG' D. EGG'
Ho va tén: Nguyén Pirc Hoach — email: nguyenhoach95@gmail.com

Cho hinh thang 4,BC,D, ¢c6 4B, //CD, AB, =3a,C,D, =2a,D,AB, =C,B A, =60°. Véi

mdi diém G, di dong trén canh 4 B, ta xac dinh diém F, sao cho G,F, =G,C, +GD, . Tim
d6 dai nho nhét coa G,F, .

B. 4 \/3 . 3a\/§ 3a

C. . D. —.
2 2

Mail: nguyennga82nvc@gmail.com, FB: Nguyén Nga Nvc

A. 2a.

Cho tam giac ABC vudng & A; BC =2; CA =b; AB = ¢ va diém M di dong
Biéu thitc F= -8MA” +b’MB’ +c¢’MC” dat gia tri 1on nhit bang

A

A. 4 B. 12 C.16 D. 24
Nguyén Viin Cong- Trwong THPT Kinh Mon II, Gmail: nguyencongkm2@gmail.com

Cho ABC du c6 canh bang 2a. Goi d 1a dudng thiang qua 4 va song song BC, diém M di
dong trén d . Tim gia tri nho nhat ctia |m +2MB-MC]|.
3 3
A. 2a\3. B. a\/3. C. “:(. D.%.
Ho va tén tac gia: Vii Vién Tén FB: Vi Vién, Email: tieplen@gmail.com

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Cau 105:

Cau 106:

Cau 107:

Cau 108:

Cau 109:

Cau 110:

Cau 111:

Cau 112:

Trong mit phang cho tam giac ABC va mot diém M bét ky. Dit a = BC, b=CA4, c = AB . Tim

. . MA MB MC
gia tri nho nhat cua bicu thuc 7' = + + .
a b c
3 3
A. 33, B. 3. e .3

3 2
Ho va tén tic gia: Pham Khic Thanh, Email: phamkhacthanhkt@gmail.com

Cho tam giac ABC c6 trung tuyén A4' L CC (A'eBC,C'e AB). Tim gia tri nho nhit cia

cos B.
AL B. 2. C. 1. p. L
5 5 2

Mail: thuytrangmn@gmail.com

Cho tam giac ABC c¢6 cac canh AB = ¢, AC = b, BC = a. Tim diém M dé vecto
aMA+bMB +cMC ¢ d6 dai nho nhét
A. M trung voéi trong tam G cua tam giac ABC.
B. M tring v6i tim dudng tron noi tiép I cua tam gidc ABC.
C. M trung véi tryc tdm H cua tam giac ABC.
D. M tring voi tim dudng tron ngoai tiép I ciia tam giac ABC.
Hy va tén tdc gid: Vii Thi Hong Lé Tén FB: Hong Lé, Email: hongle.ad@gmail.com
Cho tam gidc ABC 1a tam giac déu canh bang a, M la diém di dong trén duong thang AC .

_—  —s — | —  —

Khi d6, gia tri nho nhét cua biéu thie T = ‘MA + MB+ MC|+ 3|MA— MB+ MC

2a\/§ 5a\/§

la:

A MinT==5. B, MinT = 2033, C. MinT =a\3.  D. MinT = -~
Ho va tén: Ngo Gia Khanh, Dia chi mail: ngkhanh4283@gmail.com
Cho AABCva AA'B'C'c6 cac trong tim G va G'cd dinh va GG'=a . Khi d6 gia tri nho nhét

cua T=AA+BB'+CC' la:
A.T=a. B. T=2a. C.T=3a. D.T=4a.
(Ho va tén tac gia: Pham van Tai, Tén FB: TaiPhamVan)

Cho tam giac ABC véi cac canh AB=x,AC=y; (x>y >0). Goi 4D 1a duong phan giac

trong ciia goc A . Biét biéu thi vecto AD=mAB+nAC . Tinh S =m+n.
A. S=-2. B. S=0. C.S=1. D.S=2.
Mail: thongbuil 98 7@gmail.com

Cho AABC c6 AB =3; AC =4 . Phan giac trong AD cua goc BAC cét trung tuyén BM tai [

, D ,
Biét == =2 v6i a,peN va < t6i gidn. Tinh S = a+2b .
Al b b

A. §=10. B. §=14. C. §=24. D. §=27.
Cho tir gidc ABCD c6 AD va BC cung vuong goc vii AB, AB=8, AD=a, BC=b. Goi

E 13 mot diém thudc canh CD . Biét AEB =90°, gi4 tri 16n nhat ciia T =ab 1a
A. 4. B. 16. C. 8. D. 64 .

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 113:

Cau 114:

Cau 115:

Cau 116:

Cau 117:

Cau 118:

Cau 119:

Ho va tén tic gia: Lé Hong Phi Tén FB: Lé Hong Phi, Email: lehongphivts@gmail.com
Cho tir gidc ABCD ¢6 AD va BC cung vudng goc véi AB, AB=h, AD=a, BC=b. Cho
k 1a s6 thuc duong thuoc (0;1) va diém E théa man kEC +(1-k)ED = 0. Tim hé thirc lién hé
gitta @, b, h, k dé goc AEB =90°?
A. (1-k)b+ka=hk(1-k). B. kb+(1—k)a=hk(1-k).
C. kb+(1-k)a=hk(1-k). D. (1-k)b+ka=hk(1-k).

Cho tam giac c6 trong tdm G, qua G dung dudng thang d cat cach canh 4B, AC lan luot
tai M, N .Dat % =X, j—]g =y,goim, M lan luot 1a gia tri nhd nhat, gia tri 16n nhét cta
T'=x+y.Tinh m+M .

N 511 el 0.2

(Ho va tén tac gia: Hoang Thi Thanh Nhan, Tén FB: Hoang Nhan)
Cho tam gidc ABC c6 G 1a trong tdm. Goi H 1a chan duong cao ha tir A sao cho BH = %H—C .

Piém M di dong trén BC sao cho BM = xBC . Tim x sao cho ‘WA + G—C‘ dat gia tri nho nhéat.

AL B.2. c.2 . &
5 4 6 5

Ho va tén: Nguyén Thi Thu, Email: thutoan83@gmail.com, Facebook: Nguyén Thi Thu

Cho tam gidc ABC déu canh 23 , d 1a duong thiang qua B va tao v6i AB mdt goc 60°
(C 3 A). Tim gié tri nho nhit ciia 4 = ‘]\_4;1+]\_4§+3]\7Z" ?
3 12

A = B. — C.i D. 2
5 5 5

(Tac gida: Hoang Thi Thuy - Facebook: Cé ba la )
Cho tam gidc ABC déu canh 1 ndi tiép dudng tron (O) va diém M thay doi trén O. Goi s, i

14n luot 14 gia tri 16n nhat va gi4 tri nhé nhét cta biéu thirc \m + MB - M—C‘ _Tinh s+i .

43 .53

A. s+i=4/3. B.s+i=T. C.S+I=T. D. s+i=23.

Cho lyc gidc déu ABCDEF canh a . Trén dudng chéo AC, CE lay hai diém M , N sao cho

AM CN . .
=——=k (O <k<1). Do dai BM*+BN? dat gi4 tri nho nhit khi k bang bao nhiéu?

AC CE
AL B L. c 2. D.>.
2 4 3 4

(Buii Duy Nam swu tam. FB: Biii Duy Nam https://www.facebook.com/duynam.bui. 1)

Cho hinh chit nhiat ABCD c¢6 AD=a, AB=b. O va I lan luot 13 trung diém DB va DO .
N 14 diém thoa min 2@+2W—E+TD\ =\2E\ va NB 16n nhat. Tinh NB

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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A B
| 0
D C
A 2a+3\a* +b* B a+\a*+b* C 2a+3Va’ +b* D 2a+\a* +b?
. —2 . —2 . —4 . —4 .

Ciu 120: Cho tam giac ABC, 4B =3(cm),BC =4(cm),CA =5(cm). Piém M thudc duong tron ngoai tiép
tam giac ABC. Gia tri nho nhat cta biéu thirc P =MB* + MC* — MA* 1a

Phuongthao.nguyenmaths@gmail.com

CAu 121: Cho tam giac ABC ¢6 G 1a trong tim. Goi H 1a chian dudong cao ha tr 4 sao cho

1 . S —
BH =§HC . Piém M di dong nam trén BC sao cho BM =xBC . Tim x sao cho d¢ dai cua

vecto MA+GC dat gia tri nho nhat.
A. i B. 2 C. § D. E
5 6 5 4

(Ho va tén tic gia: Nguyén Thi Phwong Thio, Tén FB: Nguyén Thi Phwong Thdo)

Cau 122: Cho hinh thang ABCD c6 day CD gip d6i day AB. Liy mot diém E sao cho 3BC = 2DE va
ddng thoi thoa man CA = CE . Gid tri nho nhét cia goc ABC nim trong khoang nao dudi day?

A. (957;100%) . B. (100°;106%) . C. (1067;115%) . D. (1157;120°) .
Ho tén tac gia: Doan Phu Nhu, Tén fb: Nhw Doan, Email: doanphunhu@gmail.com

Céau 123: Cho hinh thang ABCD c6 24B=DC, AC=8,BD=6, gbc tao boi hai véc to AC va BD
bang 120°. Khi d6 gia tri ciia (4D + BC) bang:

A 1325 g, 14+4T c. 15+2410 D. 64443,
2 3 4
(Tdc gia: Thay Nguyén Ding Ai, FB: Nguyén Ding Ai )
Céu 124: Cho hinh thang ABCD ¢6 24B=DC, AC=9,BD=6. Gia tri cua biéu thic (BC> — AD?)
bang;
80
A 15, B. <. C.12. D. 14.

(Tdc gia: Thay Nguyén Ding Ai, FB: Nguyén Ding Ai )

Chu 125: Cho tam gidc 4BC c¢6 BAC =60" va AB,AC da biét. Bidu thtc P=k.MA+MB+MC dat
gia tri nho nhat bang (4B + AC) vé&i moi gia tri thuc k > k,. Gia tri cua k, nam trong khoang
nao dudi day?
Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Cau 126:

Cau 127:

Cau 128:

Cau 129:

Cau 130:

Cau 131:

Cau 132:

3 3
A. (0;1). B. (5;2). C. (1;5). D. (2;3).
(Tdc gia: Thay Nguyén Ping Ai, FB: Nguyén Ding Ai )

Cho tam giac ABC c6 ciac canh AB = ¢, AC = b, BC = a. Tim diém M dé vecto
aMA+bMB +cMC ¢o d6 dai nho nhat
A. M trung véi trong tam G cua tam giac ABC.
B. M tring v6i tim dudng tron noi tiép I cua tam gidc ABC.
C. M trung véi truc tdm H cua tam giac ABC.
D. M tring voi tim dudng tron ngoai tiép I ciia tam giac ABC.
Ho va tén tdc gid: Vii Thi Hong Lé Tén FB: Hong Lé

Cho tam giac ABC déu canh a va diém M thay d6i. Gia tri nho nhit cua biéu thuc
P =2MA* +3MB* —4MC? 1a:
_26a2 26a*

D.
3 3

Ho va tén: Nguyén Thi Tuyét Lé FB: Nguyen Tuyet Le

A. 144° B. —144° C.

Cho tam gidc ABC c6 hai duong trung tuyén ké tir B va C vudng goc véi nhau. Tinh gia tri
nho nhat ctia cos 4 .

1 2 3 4
A, —. B. —. C.-—. D. —.

2 3 4 5

Ho va tén tac gia: Dang Vin Tam Tén FB: Ddang Vin Tam, Email: dvtam0189@gmail.com
Cho doan thing AB c¢6 d¢ dai bing a. Mot diém M di dong sao cho ‘erm? :\m_m .
Goi H 1a hinh chiéu ciia M 1én 4B . Tinh do dai 16n nhét cua MH ?
g, 9V3.
2

AL
2

C. a. D. 2a.

Ho va tén: Phuwong Xudn Trinh Tén FB:: Phuwong Xudn Trinh, Email:
Pphuongtrinhltl@gmail.com

Cho tam giac ABC vuong tai 4. Goi & la goc giira hai trung tuyén BD va CK . Gia tri nho
nhit cua cosa 1a:.
1

A, —. B.i. C.g. D.g.
2 5 3 4

] — )
Cho AABC c¢o6 trong tam G. Goi H 1a chan duong cao ké tir A sao cho CH = EHB . biém M di

dong trén BC sao cho CM =x.CB . Tim x sao cho do dai vecto MA+GB dat gia tri nhd nhét.
A.§. B.é. C.é. D.é.
5 6 5 8

( Ho va tén tdc gida: Nguyén Vin Phu, Tén FB Nguyén Vin Phu)

Cho doan thiang 4B c6 d6 dai bang a. Mot diém M di dong sao cho ‘m +m‘ = ‘m—m‘ .
Goi H 1a hinh chiéu caa M 1én AB . Tinh d6 dai 16n nhit cia MH ?

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 133:

Cau 134: :

Cau 135:

Cau 136:

Cau 137:

Cau 138:

Cau 139:

B&.

A. g. . C. a. D. 2a.
2 2

Cho AD va BE 14 hai phan giac trong ctia tam giac ABC . Biét AB=4, BC=5 va CA=6.
Khi 46 DE bing:
A 2Ci-3CB. B.2ci-2cp. ¢ 2ci-3cB.  p.32ci-2cB.
9 5 5 9 5 5 5 5
Ho va tén: Nguyén Thi Thanh Théo Tén FB: Nguyén Thanh Théio

Cho doan thang AB c¢6 d6 dai bang 4. Mot diém M di dong sao cho
‘EHM@ :\m_m\ .Goi H 13 hinh chiéu ctia M 1én AB . Tinh d¢ dai 16n nhét caa MH?

A4
=

B, 3 C. a. D. 2a.

2
Mot miéng gd c6 hinh tam giac c6 dién tich 1a S diém 7, O lan luot thoéa man /B +IC =0;
OA+0I =0. Cit miéng gd theo mot dudong thing qua O, dudng thing nay di qua M, N lan

luot trén cac canh 4B, AC . Khi d6 dién tich miéng gd chtra diém 4 thudc doan:

A. £,£ . B. £,£ . C. ﬁ,i . D. E,ﬁ
4°3 3°2 8 2 4" 8

Ho va tén tic gia: Hoang Tién Pong, Tén FB: tiendongpt, Email: dongpt@c3phuctho.edu.vn

Cho tam giac ABC c6 ban kinh dudng tron ngoai tiép R=2 . Tim gia tri 16n nhat cia
BC? - 4B* - AC?.
A. 1. B. 2. C.3. D. 4

Dé Cong Diing, Email: congdung812@gmail.com

Cho tam giac déu ABC canh a. Goi M 1a diém nam trén canh 4B. Tinh gia tri nhd nhét cua
biéu thirc ‘m+2M—B+M—C‘ theo a.

A B B, O3 c. 3 p. 23

4 2 8 3
Cho hinh binh hanh ABCD, M thudc dudng chéo AC, (M khong trung véi cac dinh A, C)
Trén cac duong thang AB, BC, lay cac diém P va Q sao cho MP // BC, MQ // AB. Goi N 1a

giao hai dudng thing AQ va CP. Gia su DN =mDA+nDC . Tim gi4 tri 1on nhit ciam +n

A.

[OSHN

B.2 c.l D.2

4 2

Email: themhaitotoanypl@gmail.com, (Fb: Luu Thém)

: Cho tam giac ABC ¢6 G la trong tdm. Goi H la chidn duong cao ha tr 4 sao cho
- 1= , . . .
BH :§HC. biém M di dong nam trén BC sao cho BM =xBC . Tim x sao cho d¢ dai cua
vecto MA+GC dat gia tri nho nhéat.

4 5

A. —. B. —. C. é D. é
5 6 5 4

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 140:

Cau 141:

Cau 142:

Cau 143:

Cau 144:

Cau 145:

Hovatén: Lé Thi Lan FB: Lé Lan, Email: lelangx2@gmail.com
Cho tam giac ABC ¢6 BC=a, AC =b, AB=cndi tiép duong tron tim O, ban kinh R. M 1a
diém thudc duong tron (O). Goi N,n lan luot 13 gia tri 16n nhat va gia trj nhé nhit cua biéu
thiac P = MA”> + MB* + MC? . Khi d6 gia tri cia N —n bang
A. 12R?, B. 4R\OR’ —a> —b* -7 .
C. 2R\/9R2—az—bz—c2 . D. 8R\/9R2—az—b2—c2 .
Tac gia: Nguyén Van Hung Facebook: Nguyé~n Hung

Cho tam giac déu ABC ndi tiép duong tron tim O ,ban kinh R, M 1a mot diém bat ki trén
duong tron. Gia tri 16n nhét cua biéu thuc S = MA® +2MB*> -3MC? 1a
A. R\21. B. —R*\21. C. 2R*21. D. 2R*\21 .

Hy va tén: Nguyén Xudn Giao Tén FB: giaonguyen, Email: giaohh2@gmail.com

Cho tam gidc ABC . Tim gia tri nho nhit ciia biéu thuc P = V30824 +2c0s2B +2+/3 cos2C
J3-1
A P . =—4. B. B, =¥=.  C.P, -2-3y3. D.P, =-5.

Ho va tén: Dong Anh Tii Facebook: Anh Tt

VAN DE 6 TICH VO HUONG

Cho tam gic déu ABC canh a. Tinh AB.BC + BC.CA+CA.AB

2 2 2 2
3a B. 3a C.ax/g D._a«/g
2 2 2 2

Hy va tén: Nguyén Viin Nho Facebook: Nguyén Vin Nho

A. -

Cho tam giac ABC ¢6 AD1a trung tuyén, G 1a trong tam. Mot dudng thang qua G cat cac
canh 4B, AC lan luot tai M, N . Khéng dinh nao sau day ding?
A. AMAN %mm%mm

B. AM .AN = AN.MB + AM .NC
C. AM AN = g(mm + AM NC)
D. A AN = %mm + AM.NC)

Email: ngvnho93@gmail.com

- — — — —

Cho cac véc to a,b,c théa min ‘a‘:a, c‘:c va a+b+3¢c=0 . Tinh

B‘:b,

A=ab+bc+ca.

A 3t —a’-b* B 3a® —c*+b’
. —2 . . —2
C 3b*—a*-¢* D 3¢ —a’+b’
e T

Tac gia: Quang Phi

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 146:

Cau 147:

Cau 148:

Cau 149:

Cau 150:

Cau 151:

Cau 152:

Cho tam giac ABC vuong tai A ¢c6 BC=2a, M la diém trén doan BC sao cho MB = 2MC. Biét

rang AM .BC =a* . Do dai canh AC la:

a~33
3

B. AC = a\3 C. Ac =22 D. AC =a\5

A. AC = av3
3

Ho va tén: Doan Thi Huong, Email: ngochuongdoan.6@gmail.com, Fb: Doan Thi Huong

Cho tam gisac “4BC ¢4 BAC=90°,AB=1,AC =2 Dung diém M sao cho
AM 1 BC ,AM =3.Ddt AM = x.AB+ y.AC .Tinh T =x* + *?
1 151 1 1
53 5 57 . o159

A T=—. B.T=—. C.T=—-. CX= .
20 20 20 20

Ho tén: Dao Hiru Nguyén FB: Dao Hitu Nguyén, Mail: huunguyenl979@gmail.com

Cho tam gidc ABC vudngtai  A. Quy tich diém M théa man MB.MC = MA.BC + MA® 1a
A. Puong thaing AC.  B. Pudng thang AB.
C. Puong thaing BC.  D. Pudng trung tryc canh BC.

Hy va tén tic gid: Nguyén Bd Trwong Tén FB: thanhphobuon

Cho tam giac déu 4BC canh 3a, (a >0) .Lay cac diém M , N, P lan luot trén cac canh
BC, CA, AB saocho BM =a, CN=2a, AP=x (0<x<3a). Tim x d¢ AM L PN

A, x= 3_a' B. x= 4_a'
5 5
C.x= g. D. x= 2a
5 5
Ho va tén tic gia: Nguyén Bd Trwong Tén FB: thanhphobuon
Cho tam giac ABC vudng can tai B. Goi M 1a trung diém 4B va I la diém di dong trén

0 —_ = r 4 A
duong thang MC . Khi ‘2IM + AC‘ dat gia tri nho nhat, hay tinh ti s0 A—f .
A Ay B. -2, c. 2, p 4¢_3
Al Al Al Al 2
(Ho va tén tic gia: Nguyén Pirc Loi, Tén FB: Nguyén Pirc Loi)

— 1,
Cho AABC c¢6 trong tam G, H 1a chan duong cao ké tir 4 sao cho BH = EHC .biém M di

dong trén BC sao cho BM =xBC . Tim x sao cho ‘m + R" nhé nhat.

AL B.> c.t D.>
5 4 5 6

Ho tén: Vii Thi Chuyén FB: Vii Thi Chuyén

Cho tam giac ABC, nhon, khong can va ndi tiép duong tron (O;R). Goi G va M lan luot la
trong tdm tam giac ABC va trung diém canh BC. Cho dudng thang OG vudng goc voi duong
thang OM tinh gia trj biéu thuc AC> + AB* +2BC” theo R.

A. 8R2. B. 10R?, C. 12R2 D. 14R2.

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 153:

Cau 154:

Cau 155:

Cau 156:

Cau 157:

Cau 158:

Cau 159:

Loi giai

Ho va tén: Nguyén Thi Triing Fb: Tring Nguyén

Cho tam gidc MNP c¢6 MN=4,MP=8, M =60° L4y diém E trén tia MP va dit ME = kMP .Tim
k dé NE vudng goc véi trung tuyén MF ciia tam giac MNP.

A. k=z. B. k=z. C. k=l. D. k=l.
3 5 3 2

Ho va tén tac gia: Pham Hﬁ‘ng Quang Tén FB: Quang Pham

Déng thitc MA.AD = MB.BC dung véi moi diém M. Khi d6 t& gidc ABCD la hinh gi.
A. Hinh thang vuéng.  B. Hinh chir nhat.
C. Hinh thoi. D. Tt giac co6 hai duong chéo vudng goc.
Loi giai

(Ho va tén tac gia: Pham Trung Khué, Tén FB: Khoi Pham)
Cho hinh vuéng ABCD canh a . Goi M,N 1an luot thude cac doan thfmg BC va AC sao cho
_ ] — —
BM = EMC , CN=kAN va AM 1 DN . Khi d6 k thudc khoang nao dudi day?
A. (3:5). B. (-5-3). C. (-4;-2). D. (2;4).

Ho va tén: Nguyén Diic Gidp Facebook: dacgiap

Cho hai vector ZZ,Z; thoa man déng thoi cac diéu kién ‘21 —213‘ = xﬁ ,

a +l;‘ =2, vector (3;1 +l;)

vudng goc véi (a—»b) . Tinh cosin ctia gbc tao boi hai vector a va b .

2 1 2

1
—. B. —. C. —. D. ——.
N 4 5 4

Hy va tén tdc gid: Ngé Nguyén Quéc Mén Tén FB: Ngonguyen Quocman

A. -

Gia st O 1a tim dudng tron noi tiép tam giac ABC véi cac canh BC =a;CA=b; AB=c . Tim
04> OB> 0C?
+ +

b.c c.a ab

gia tri biéu thic: K =

A.K=l B.K=l C. K=1 D.K=l
2 3 4
X . CM CN 1
Cho hinh vuéng ABCD. M, N lan lugt nam trén hai canh BC va CD sao cho — = ——=—.
¢cB CD 3
Goi E 1a diém thoa man AE = kAN. Khi BE L AM. Tinh gi4 tri bidu thac T =k> —k +1.
13 7 8 5
A, — B. — C.— D. —
16 9 9 16
Ho va tén: Lé Thdi Binh, Email: lebinhle80@gmail.com, Facebook: Lé Thai Binh

Cho hinh vuéng ABCD, diém M nam trén doan thang AC sao cho AM = % Goi N 1a trung

diém CD. Tam giac BMN la
A. Tam giac déu. B. Tam giic can.

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 160:

Cau 161:

Cau 162:

Cau 163:

Cau 164:

Cau 165:

Cau 166:

C. Tam giac Vuéng. D. Tam gidc vudng cin
Huynh Kim Linh GV Truong THPT Chuyén Lé Quy Don Khanh Hoa

Cho tam gidc ABC . Goi H 1a tryc tdm va O la tim duong tron ngoai tiép ctia tam gidc ABC .

batBC =a, CA=b,AB =c. Tim h¢ thic lién h€ gitta a, b, ¢ sao cho OH vudong goc voi

trung tuyén v& tir dinh 4 ciia tam giac 4BC .

A. 2a* =b*+ 2. B. 20> =a® + ¢, C.2¢% =d® +b°. D. b? =2a* +2¢%.
(Email): luongthanh80tm@gmail.com

Cho tam giac ABC ¢6 AD1a trung tuyén, G 1a trong tam. Mot dudng thang qua G cat cac

canh 4B, AC lan luottai M, N . thmg dinh nao sau day dung?

A. AMAN = %Fv.m %mm
B. AM AN = AN MB+ AM .NC

C. mjﬁzg(mm+mﬁé)

D. A0 AN = (AN.MB + 4} NC)
(Swu tam, Ho va tén: Nguyén Luwong Thanh, Tén FB: luongthanh.nguyen.7)

Cho hinh chit nhat ABCD c6 canh AB=2 va AD=4.Goi M 1a trung diém cta canh AB va N 1a
diém trén canh AD sao cho AN =kAD ,CM vuong goc voi BN.Khi do k thudc vao khoang nao

sau day
1 1 11 11
B.| —— C.|l —=:— D.|—;—
16 20 20 9 96

A. [O;ij
16

Ho va tén:Phan Thong, Email:quocthongl 182@gmail.com, Facebook:Quocthongphan

Cho tam gidc MNP c6 MN=4,MP=8, M =60° L4y diém E trén tia MP va dit ME = kMP .Tim
k dé NE vudng goc véi trung tuyén MF ciia tam giac MNP.
A. k=g. B. k=z. C. k=l. D. k=l.

3 5 3 2
Hp va tén: Phgm Hoéong Quang Tén FB: Quang Pham, Email:
phamhongquangltvi@gmail.com

Cho tam giac ABC ¢6 BC=a, CA=b, AB=c. M 1a trung diém cua BC, D 1a chan dudng
phén giac trong géc 4. Tinh AD
A. Zﬁzzizp(p—a)_ B. AD = 4bcz(p—a).
(b+c) (b+c)
——2 4bc ——2 4bc
C. 4D = -a). D. 4D = -a

(Ho va tén tic gia: Nguyén Thi Phwong Théo, Tén FB: Nguyén Thi Phwong Thdo)

Cho tam gidc ABC ¢6 AB = ¢, AC = b vi BAC = 60". Cic diém M, N duoc xac dinh béi

MC =—2MB vi NB=—2NA. Tim hé thirc lién hé giita b va ¢ d& AM va CN vudng goc v6i
nhau.

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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|

Cau 167:

Cau 168:

Cau 169:

Cau 170:

Cau 171:

Cau 172:

A. 6¢* —4b* —5bc =0 . B. 4¢* —5b* —6bc =0 .
C. 6¢> —5b° —4bc=0.D. 4c* —6b> —5bc =0 .
Hy va tén tic gia: Nguyén Vin Toan Tén FB: Diu Vét Hit

Cho tam gidc ABC ndi tiép duong tron tim O. Goi [ 13 trung diém ctua AC va M 1a diém thoa
min OM =204+ OB +20C . Biét ring OM vudng goc v6i BI va AC* =3BC.BA . Tinh goc
ABC.
A. 30°. B. 45° C. 60°. D. 120°.

Ho tén: Tran Ngoc Tén FB: Ngoc Tran, Email: soantailieutoanhoc2018@gmail.com

Cho hinh thang vuéng ABCD, duong cao AD = h, day AB = a, day CD = b. Goi M la trung

diém cua BC. Hé thirc giita a, b, hdé AM L BD la

A.a’-h*—ab=0. B. "’ —a’—ab=0 C.W-b>—ab=0. D.b-h*-ab=0.
Ho va tén tac gia: Dao Trung Kién (st) Tén FB: kienyenthe, Email: kienyenthe@gmail.com

—_—

Cho tam gidc déu ABC canh biang a. Goi M, N 1a cac diém théa min BM :%BC ,

B —

AN = %ZE . Goi I 1a giao diém ctia AM va CN. Tinh dién tich ctia tam giac IBC theo a?

2 2 2 2
3 N7 2a° 7 2a”° 3
A.SIBC :#, aT. C-S[BC :aT. D.SIBC :T[-

Ho va tén: Vii Huynh Dvrc, Email: vutoanpvd@gmail.com, Facebook: vuhuynhduc2017

Cho tam giac déu ABC va cac diém M, N, P théa min BM =k BC , C—zvz%@,

Z}-’=%ZE.Tim k & AM vuoéng goc voi PN .

1 1 3
A k=— B. k=— C. D. k=~
3 2 4

Ho va tén: Huynh Thanh Tinh Tén FB: huynhthanhtinh, Email:

huynhthanhtinhspt@gmail.com

: Gia str O 1a tAm duong tron ndi tiép tam giac ABC véi cac canh BC = a;CA =b; AB =c. Tim
04> 0B> 0C’

+ +
bc ca ab

B.K:% C. K=1 D. K =

gi tri biéu thirc: K =

A. K =

N

!
2
Nguwoi swu tam: Tiang Duy Hing. FB: Hing Ting

sy DAY 5 ~ . A | Lz
Cho hai véc to @ va b thoéa min cac diéu kién ‘a‘ =E‘b‘=1,

&—213|=\/E. Pat u=a+b va
V= ZkZz—l;, k €R. Tim tit ca cac gia tri ctia k£ sao cho (ﬁ,\j) =60".

ak=a 2B g s T
2 2 2 2
Hy va tén: Nguyén Thi Hué, FB: Nguyén Thi Hué, Gmail: nguyenthihuel 611@gmail.com

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 173: Cho tr gidc ABCD , hai diém M,N théa min 2MB+MA=0;2NC+ND=0 va %zx,
DBC .
Tinh “>—2= theo x dé MN L BD.
cosADB
A X B. - X, c. X D. x/3.
2 2 NE)

Ho va tén tac gia: Lé Thi Nguyét Tén FB: NguyétLé, Email: Lenguyetl50682@gmail.com

Cau 174: Cho tam giac ABC c6 AB=6;BC=T7;CA=5. Goi M la diém thudc canh AB sao cho
AM =2MB vi N 1a diém thuoc AC sao cho AN =kAC (k € R). Biét k = —%

(% 1a phan sd t6i gian, a,b 1a cac s6 nguyén) sao cho dudng thang CM vudng goc voi duong
thing BN.
Tinh gia tri biéu thic 7 =2018a-20195+5 .

A. T =2017. B. T'=-2020. C. T =2030. D. T'=-2030.
Ho va tén tac gia: Tran Thanh Ha Tén FB: Hatran, Email: tranthanhha484@gmail.com

Cau 175: Cho tam gidc ABC c¢6 AB = ¢, AC = b va BAC = 60°. Cac diém M, N dugc xac dinh boi
MC =-2MB vi NB=—-2NA . Tim hé thuc lién hé giita b va ¢ dé AM va CN vudng goc v6i
nhau.

A. 6¢* —5b> —4bc=0 B. ¢’ —6b>—5bc=0
C. 4c¢* —6b* —5bc=0 D. 4c* +6b> —5bc=0
Ho va tén tic gia: D6 Thé Nhit Tén FB: P6 Thé Nhit, Email: nhatks@gmail.com

Cau 176: Cho hinh chit nhat ABCD c6 AB= a, AD=2a. Goi M la trung diém AB, N 1a diém trén canh
AD sao cho AD = kAN . Tim k d& CM L BN.

A. k=79 B. k=8 C.k=8,1 D. k=7.8

Cau 177: Cho hinh binh hanh ABCD ¢é duong chéo 16n 1a AC . Goi E,F lan luot 1a hinh chiéu vuong
goc ctia C trén AB, AD . Biéu thirc ndo sau day la ding.

A. AB.AH + AD.AF = AC”. B. AB.AE + AD.AF = AC* .

C. AB.AE + AD.AH = AC . D. AB.AE+ AD.AF = AC.AH .
Ho va tén tic gia: Nguyén Ngoc Duy Tén FB: Ngoc Duy, Email:
nguyenngocduyakgl@gmail.com

Céu 178: Cho hinh thang vuéng ABCD, duong cao AD =h, canh ddy AB =a,CD =b. Tim h¢ thic
gilta a,b,h dé¢ BD vudng goc trung tuyén AM cia tam giac ABC .
A. P =a(a+b). B. i’ =a(b-a).
C. h(h+b)=a(a+b+h). D. 2h* =a(a+b)
Email: thuy.tranthithanhdb@gmail.com

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 179:

Cau 180:

Cau 181:

Cau 182:

Cho tam giac ABC vudng tai A noi tiép dudng tron (O, R), M 1a diém chinh giita cung BC (
cung BC khéng chira diém A). Chon déng thirc dung trong cc dang thirc sau:

A. MA=MB.sinC+MC.sin B B. MA=MB.cosC+MC.cos B

C. MA=MB.sin B+ MC.sinC D. MA = MB.cos B+ MC.cosC

Hy va tén tic gia: Nguyén Quang Nam Tén FB: Quang Nam, Email:
quangnam68@gmail.com

Cho tam giac ABC ¢6 BC=a, CA=b, AB=c. M la trung diém ciia BC , D 1a chan dudng

~ ——2
phan giac trong géc A. Tinh AD

A. EZ: de Zp(p—a) B. E2= 4bcz(p—a)
(b+c) (b+C)

C. Ez = 4be 5 p(p—a) D. ﬁ)z = 4be 5 p(p—a)
(b—c) (b+c)

Hp Tén: Lwong Thi Hwong Liéu Tén FB: Hwong Liéu Lwong, Email:
lieuluong.290983@gmail.com

Trong cudc thi gidi tri toan hoc to chirc nhan dip hoat dong chao mimg Ngay nha gio Viét
Nam ¢6 mdt trd choi nhu sau: Nguoi ta thiét ké hai duong ray tao voi nhau mot goc 30° nhu
hinh v& dudi day. Trén cac duong thang Ox va Oy ngudi ta dé hai vat nang cung trong luong.
Budc hai vat thé v&i nhau bﬁng mot thanh cung 4B =1m sao cho mdi vat déu co thé chuyén
dong dugc trén hai duong ray. Noi hai vat bang mot soi gidy vong qua mot cot co goc tai O.
Ngudi tham du cude thi s& dung tai vi tri diém B dé kéo vat thé chuyén dong trén Oy . Ngudi
thing cudc s& 1a nguoi kéo duoc vat thé ra xa nhit so voi diém gbc O. Hiy dung kién thirc toan
hoc dé tinh toan vi tri xa nhat ma nguoi tham du cude thi c6 thé dat duoc.

D. \/Em

A m. B. 2m . C. \3m.
Ho va tén: Pham Thanh Trung Tén FB: Pham Thanh Trung, Email:
trungthuong2009@gmail.com

Cho tam giac ABC c6 AB= ¢,BC=a, CA=b. Trung tuyén CM vudng goc v4i phan giac trong AL
CM

va —=£. Tinh cos 4.
AL 2

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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_5-1
4

A. cosAzg B. cos 4 C. cosA=§ D. cosAzé

Céu 183: Cho hinh chir nhiat ABCD c6 4B =1;CD =3 . Piém M thudc canh AD va N 1 trung diém BC
. z.t. ., m BN 3 A
sao cho MN L BD . Phan s0 to0i gian — = NC c6 m+n bang bao nhiéu
n
A. 29. B. 18. C. 16. D. 27.
(Ho va tén tic gia: Tran Vin Doan, Tén FB: Trin Vin DPoan)

CAu 184: Cho tam giac ABC ¢6 AB=c,; BC=a, CA=b. Goi M la trung diém cua 4B va D 1a
chan dudng phén giac trong goc 4 cua tam giac ABC . Biét rang trung tuyén CM vudng goc
v6i phan giac trong 4D . Khi d6 dang thiic ndo sau ddy dung?

A. b=2c. B. c=2b. C.a=b+c. D.c=a+b.
Hp va tén: Nguyén Thi Théa Tén FB: Nguyén Thi Théa, Email:
phamquynhanhbaby56@gmail.com

Cau 185: Cho tam giac ABC déu ndi tiép (O;R). M 1a diém bét ki trén cung nho BC . Khi do
A. MA=MB+ MC B. MA>MB+MC
C. MA<MB+ MC D. MA=2MB+MC
CAC PHAN CHINH CUA CHUYEN PE

VAN DPE 1. BIEU DIEN VEC TO
VAN DE 2. BA PIEM THANG HANG
VAN PE 3. QUY TICH

VAN PE 4. TI LE

VAN DE 5. MIN,MAX

VAN PE 6 TICH VO HUONG

Phan II: Huwéng Din Giai
Trang: VD1-P35; VD2-P74; VD3-P88; VD4-P99; VD5-P110; VD6-P149
VAN DE 1. BIEU DIEN VEC TO
Email: daytoan2018@gmail.com

Cau 186: Cho tam gidc ABC biét AB=3,BC =4,AC =6, I 1a tam duong tron ndi tiép tam gidc ABC

.Goi x,y,z 1a cac s6 thuc duong thoa man xIA+ y.ﬁ? + z.ﬁ' =0.Tinh P = §+§+§
A.Pz%. E.P:%. C.P=§. D.P=%.
Loi giai
Ho va tén tac gia: Vii Ngoc Thanh Tén FB: Vii Ngoc Thanh
Chon B

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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A
D
B C
E
— [E— ID—
Dung hinh binh hanh BDIE nhu hinh v€. Khi d6 IB=IE+ID = —EIA _El C

Theo tinh chat dudng phan giac trong tam gidc: IE =— MB_BC ID_BN _AB

A MA AC IC NC AC

Suy ra IB= —B—Cﬁ—ﬁﬁ
AC AC

Tu x.ﬁ+y.ﬁ?+z.i‘=6 suy ra B=-21A-%IC.
Yy y

Do ﬁf 1a hai véc to khong cung phuong suy ra x =4t,y =6t,z=3t v6i t >0.

VayP=—+y+Z 4
y z X 12

Hy va tén tic gia: Nguyén Thi Tiét Hanh Tén FB: Hanhtiettiet
Email: tiethanh. 78@gmail.com

Cau 187: Cho hinh binh hanh ABCD. Ggi I 1a trung diém cua CD, G la trong tam tam giac BCI . it
a = AB,b = AD . Hiy tim déng thirc ding trong céc dang thirc sau?

A AG=24+2h.  B. AG=a+b.
6 3 6
C. AG=a+2b. p. AG=23:2%5.
6 3 3

Loi giai

Chgn A
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 188:

D I C

=l

=

A . B
. g i = 1= 11— ——
* [ 1a trung diém cua CD nén: AIZEAC+§AD:§AB+AD.
* G la trong tam tam gidc BCI nén: E:§E+§R‘+§E , thay AC=AB+AD va
A1 = 4B+ 4D 18 e 4G =3 4B+ (4B AD) 5| Y4B+ D |~ 4B+ 2D
2 3 3 312 6 3
Ho va tén: Duong Bao Tram Facebook: Bao Tram

Email: ilovemath.ddt@gmail.com

Cho tam giac ABC' véi cac canh AB = ¢, BC = a, CA = b. Goi I 1a tAm dudng tron ndi tiép
tam giac ABC. Pang thirc nao sau dy ding.
A.aﬁ%—b}g%—cﬁzﬁ B.bﬂ+c}§+a_5:6
C.cﬁ—l—bI_B'—i—aE":6 D.cﬂ+a§+bﬁz6

Loi giai

Chon A
Qua C dung duong thiang song song vdi Al cit BI tai B’;song song vdi BI cat Al tai A’
Taco IC = IA"+ IB' (¥)

Theo dinh Iy Talet va tinh chat duong phan giac

trong ta co:

IB BA ¢  — b—
— = =—-=IB'=—1IB (1
IB" CA b c @

Tuong tu: A =-%14 (2)
c

Tir (1) va (2) thay vao (*) ta c6:

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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E:_ﬂﬂ_éﬁ & af‘l%—bﬁ—i—cf—d:a
c c
Ho tén: DS Thi Hong Anh

b/c mail: honganh161079@gmail.com

Cau 189: Cho hinh thang can ABCD c6 CD la day 16n, ADC =30". Biét DA = a, DC = b, hiy biéu

didn DB theo hai vecto DA va DC.
A 8

A DB -Di+DC B.ﬁ?:Eﬂ#D—C.

c. DB=DA+2=%DC. D. DB=bDA+aDC.
Loi giai
A B
|
30°
D H E b K C

Ké BE // AD, E nam trén canh CD. Ta c6:

DB=DA+DE=Di+2E e =i+ PEbe
DC DC

5 DC-2KCHn o b-a3 o
DC b

Viay dép an dung la cau  B.

Email: kimduyenhtk@gmail.com

FB: Kim Duyén Nguyén.

Cau 190: Cho hinh binh hanh ABCD, M 1a diém théa man 5AM + 2CA = 0. Trén cc canh 4B , BC
lan luot 1ay cac diém P, O sao cho MP / /BC, MQ / /AB. Goi N la giao diém cua 40 va

. N .
CP. Gia tri cua tong AN + oy bang:
AQ CP

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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A B. 24 c. 2 p. 2
19 19 19 19
Loi giai

Détﬁ::cA_C—é,Eﬁ:ya;;

Vi MQ / /AB, MP | /BC = 2& _ AP _AM_ 2
BC  AB  AC 5

Tacé:Z@zﬁ—l—@zﬁ%—%%:ZE+§(ZE—Z§):§A_C—;+SZ]—5

Nén AN = :EZZQ = %rcA—C.; —|—ng‘;’) (1)

Do N, C, P thang hang nén §x+%x:1:x=%

Mit khic ON = yOP & AN — AC = y(AP — AC) = AN = (1— y)AC + yAP (2)

3 15 AN CN 25
Te(l)va(R)suyra y=—x=—.Dod0 —+—=x+y=—.DapanD
(Dva@)suyra y=7x=1g AQ P (T M

Ho va tén tac gia: Pham Thi Ngoc Tén FB: Giang Thao
Email: thuangiaoyen@gmail.com

Cau 191: Cho tir giac ABCD, M la diém tiy y. K 13 diém c6 dinh thoa méin ding thirc
MA +MB +MC+3MD = xMK . Tim x:
A. 2. B. 6. C.5. D. 4.
Loi giai
Chon B
Vi dang thirc MA +MB+MC +3MD = xMK (1) thoa man véi moi M nén n6 dung khi M
tring véi K. Khi d6 ta c6: KA + KB+ KC+3KD = xKK = 0(2).
Goi G la trong tdm AABC, taco KA + KB + KC= 3@ 3).
Thay (3) vao (2) ta dugc 3KG+3KD =0 KG+KD = 6, suy ra K 1 trung diém cua GD.
H T (1) ta co:

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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MK + KA + MK + KB+ MK + KCKB + 3MK + 3KD = (KA + KB + KC+3KD) + 6MK = 6MK
Vay BMK = xMK suy ra x = 6.
Ho va tén: Nguyén Thanh Hoai

Email: ngthhoail705@gmail.com

Facebook: https://www.facebook.com/hoaihappy

Ciu 192: Cho tam giac ABC | trén canh AC lay diém M | trén canh BC liy diém N sao cho
AM =3MC  NC =2NB . Goi O 1a giao diém cia AN va BM | Tinh dién tich tam giac
ABC biét dién tich tam giac OBN bang 1.

A. 24. B. 20. C. 30. D. 45

Loi giai
C
M
N
0]
A B
Chgn C

Ta co: E@zmﬂ—k(l—x)gﬁ Vé@zym—i-(l—y)ﬁ.

—_—

iTB:ym—l—(:ﬁ—y—i—l)ﬁ—l—(m—l)g\f @(x—y)ﬁ—i—ym—i—(m—l)BN:@

(1
- A LA - - 7T R — 1,
bat CB=d,CA=1b tadugc AB=a —b;AM = —Zb;BN = —ga
" ~1. 3 -
Thay vao (1) va thu gon ta duoc (x —y)a —(az —y)b = a +Zyb
z—1 1
rT—y= T -
Suy ra 33 & 10 v¢i 2 = — ta duoc BO_—BA+[1——]BN
—r = — = —
Y 4y Y 5
& BO-BN =~ (BA BN)@No_iNZ@N_A:w
10 10 NO
Vis, ,=1<5,,=10=S5 . =30.
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ho va tén tic gid: Tran Ngoc Uyén Tén FB: Tran Ngoc Uyen
Email: ngocuyen203@gmail.com

Céu 193: Cho tam giac ABC, goi I 1a diém trén BC kéo dai sao cho /B=3IC. Goi J,K lan luot 1a

nhitng diém trén canh AC, AB sao cho J4 =2JC; KB =3KA . Khi d6 BC =m.Al +nJK . Tinh
tong P=m+n?

A. P=34. B. P=-34. C. P=-14. D. P=14.
Loi giai

Chon B

Tac6: Al = AB+ Bl = 4B+ BC = AB+> (4C~ 4B) = 4C~2 4B (1)

R:ﬁ-ﬁ:iﬂe-%fc @)

3 ]—
Al =2 AC——AB {/TC:6Z+12JT<

Tu (1) va (2) ta c6 hé phuong trinh _ _ .
AB =16A1 +36JK

JK = -2 4C+ L 4B
3 4
Ta co: BC = AC — AB =—10A1 —24JK = m =—10;n =—24 = m+n = —34. Chon dép an
B.
Email: huanpv@dtdecopark.edu.vn
Cau 194: Cho hinh binh hanh ABCD, léy M trén canh AB va N trén canh CD sao cho
mzéﬁ,ﬁzép—c. Goi 1 va 11a céc diém thoa man BI = mBC, AJ = n Al .

Khi J 13 trong tdm tam giac BMN thi tich m.n bang bao nhiéu?

1 2
A — B.3 C. - D. 1
3 3
(Ho va tén tic gia: Pham Vin Hudn, Tén FB: Pham Van Huan)
Loi giai
Chgn A
D N C
4 M B

J 1a trong tAm tam gidc BMN khi va chi khi AB+ AM + AN =34J (9)

Ta co
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 195:

. m%@

* AN =DN - DA = DC~(DC +Ci) = 4C - DC = AC~ 4B

* E:nZ:n(A—B+E):n<E+mﬁ‘):n[ﬁ+m(ﬁ—A—Bﬂ =n(1-m)AB+mnAC
Nén thay vao (9) ta ¢6 E+%E+E—%E=3n(l—m)ﬁ+3mnfc

5
@{%—Sn(l—m)}A—B+(l—3mn)A_C"=6 = g_3n(1_m)_03mn=%

1-3mn=0

Ho va tén: Hira Nguyén Tudng Vy

Email: namlongkontum@gmail.com FB: nguyennga

Cho tam giac ABC, trén canh AB 14 y diém M, trén canh BC 14 y N sao cho AM=3MB,
NC=2BN. Goi I 14 giao diém ctia AN véi CM. Tinh dién tich tam giac ABC biét dién tich tam
gidc ICN bang 2.
A3 B. 33 C.11 D. >
2 2 11
Loi gidi

Chon diap an B

Dit BC=a; BA=c.

. — 3. — 2

Suy ra AC=a-c ;AM:_ZC; CN:—ga

Do A, I, N thiang hang nén Cl =xCA+ (1-x) CN
VaM, I, C thing hang nén Al = yAC +(1—y) AM

Mit khic AC = Al — CI = yAC +(1—y) AM —(xCA+(1-x) CN)

-1- 1-y—-4x- =
©3y+x a+ y4 2e=0

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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prx-l_ o |22
Ma a; ¢ khong cung phuong suy ra 3 = 1
1—y—4x_O y—i

4 11
Véi x=2 = Cl =2 Ci+2CN = NI =2 Ni
11 11 11 11

Hayﬂ:i:hzzjs’]\mﬂ:ll
NA 11 S, 11

Supc _BC 3 33

Ma = ===, .=—
S NC 2 7%

congsondienan@gmail.com

Chu 196: Cho AABC c6 trong tm G va hai diém M, N théa man: 3MA —2CM =0, NA—2NB =0.

Chon ménh dé ding.
A. NG =4GM . B. NG=5GM . C. NG =6GM . D. NG=7GM .
(Ho va tén tic gia: Tran Céng Son, Tén FB: Tran Cong Son)
Loi giai
Chon B

N

Goi E 1a trung diém BC. M, N la cic diém nhu hinh vé.

(4B +4C)-24B=-24B+L 4C.
3 3

Ta c6: ﬁé:ﬁ_ngﬁ_ng. 1

| —

N B

GM =AM - 4G =2 AC-24E =2 4C -2 1 (4B +4C)- =L aB+Lac.
5 3 5 32 3 15

Nén NG=-2AB+ ac=5( - 748+ L 4¢ | =scai.
3 3 3 15

Vay NG =5GM .

(Email): tranminhthao2011@gmail.com
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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Ciu 197: (Pang thic vec to) Cho tam gidc ABC . Goi A', B,C' 1a cic diém xac dinh boi
20184'B+20194'C =0, 2018B'C +2019B'A=0, 2018C' A+2019C'B =0. Khi do,
ménh d& nao sau day dang?

A. AABC va AA'B'C'cé cung trong tam.
B. AABC=AA'B'C".
C. AABC ~AA'B'C".
D. AABC va AA'B'C' ¢6 cung truc tim.
Loi giai
Chon A

Taco 20184'B+20194'C=0
o 2018(E1+E)+2019(ﬂ+/1—c) -0
< 40374'A+20184B +20194C =0 (1)

Tuong tu ta c6 4037B'B +2018BC +2019BA4 =0 ; 4037C'C +2018CA+2019CB =0

Cong ve véi ve lai ta duge

4023(AA'+BB'+CC')+BZ+ZE‘+@§:6c>AA'+BB'+CC'=6.

Vay AABC va AA'B'C'cé cung trong tim
Ciu 198: ( tinh d¢ dai vec to) Cho tam gidc déu ABC canh a . Goi diém M 1a trung diém BC . Tinh do

dai cua vec to %E +24C

C. D.

L a2l a21 a21 a21
N . PR —.

Q

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Chon B
Goi N latrung diém AB, Q la diém d6i ximg ctia 4 qua C va P la dinh cta hinh binh hanh
AQPN .

Khi d¢6 ta co %ﬂ? = Z\/, 2AC = A—Q suy ra theo quy tic hinh binh hanh ta c6
S AB+24C = AN + AQ = AP

Goi L 14 hinh chiéu cia A 1én PN

Vi MN //AC = ANL = MNB = CAB = 60"

Xét tam giac vuéng ANL ta c6 sin ANL = j—]]\; — AL = AN.sin ANL = %Sin 60° = %

cos ANL zﬂz NL = AN.cos ANL = £cos60° = &
AN 2 4

Ta lai co AQ=PN:>PL=PN+NL=AQ+NL=2a+%=%Ta

Ap dung dinh 1i Pitago trong tam gidc ALP ta cé

AP A+ prp =30 8102107, a2l
16 16
Viy %ZE+2Z§‘:AP= a 221

Ho va tén: Tran Quoc An

Email: tranquocan1980@gmail.com

Facebook: Tran Quoc An

Cau 199: Cho AABC c6 M la trung diém ciia BC, H 13 tryc tdm, O 1 tim dudng tron ngoai tiép. Tim x
dé HA+HB+HC = xHO.

A x=2. B. x=-2. C.x=1. D. x=3.
Loi giai
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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A

>

&

A

Chgn A
Goi A' 1a diém d6i xtmg véi A qua O, ta cé:

A'B 1 AB

= CH|| A'B ()
CH 1 AB

Tuong ty ta chimg minh dugc BH || A'C (2)
Twr (1),(2) suy ra t& giac BHCA’ 1a hinh binh hanh.
Do d6 M la trung diém cua HA'.
Tacé: HB+HC =2HM = HA'
buiduynam1993@gmail.com
Ciu 200: Cho tam giac ABC c6 dudng trung tuyén CM vudng goc v6i phan giac trong AL . Gia su

a+bk?

5 -

ngoai ra con c6 CM = kAL . Biét cos A= Tinh a+b+c+d

c+d
A. 18. B. 5. C. 26. D. 17.
(Bui Duy Nam suu tam. FB: Bui Duy Nam https://www.facebook.com/duynam.bui. 1)

Loi giai

Chgn A

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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A

L

Ta cdo AACM can tai A:>AC=AM=%AB =c=2bvéi b=AC, c=AB.

AB+-<

c+b c+b

Theo dé bai AL 14 phan giac trong cia gbc A nén: AL = AC = %(m + ZE’) .
= AL =§(AM2 +A4C*+24M AC) =g(2b2 +2b” cos 4) =§b2 (1+cos 4).

Lai ¢6 24C.AM = AC*+AM* —CM”* = 2b” cos A = 2b* —CM* = CM* = 2b* (1-cos A) .

Tu CM = kAL = 2b* (I—COSA)Zkz.gbz(l-i-COSA) <:>9(l—cosA):4k2(1+cosA)

9 — 4>
9+4k> "

< cosd=

Vay a+b+c+d =18.
Ho va tén: Pham Thanh My

Email: phamthanhmy@gmail.com

Facebook: Pham Thanh My

R

Cau 201: Cho tam gisc ABC. Goi M, N, P 1a cc diém 1an lugt thoa man MA+3MB=0, AN = %AC,

2PB+3PC=0 Goi K 1a giao diém cua AP va MN. Trong cac ménh dé sau, ménh @& nao

ding?
A. 4KA+5KP=0.  B.3KA+2KP=0.
C. KA+KP=0. D. KA=KP.
Loi gidi
Chgn C

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Cau 202:

Ap dung dinh 1y Menelaus ta c6 £.N=C.£=1 = IB = lf} ma 2PB+3PC=000P la
IC NA MB 6

trung diém IC .

Ap dung dinh 1y Menelaus ta c6 ﬁiﬁ =1
KP IB MA

K L KiiKB=0
KP

Cho hinh thang ABCD(AB//CD) c¢6 hai duong chéo vudbng goéc voi nhau. Biét

AB+CD =20cm. Tim [4C + BD).

A. 40cm. . B. 20cm.. C. 30cm..
Loi giai

Chon B

Ho va tén tac gia: Nguyén Thi Yén Tén FB: Nguyén Yén

Email: ntyen.c3lqd@gmail.com

D. 10cm..

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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A B

|AC + BD| = |BE + BD|=|BF| = DE = 20cm.
Ho va tén tac gia:Lé Thanh Lam
Mail:quyphucvn@gmail.com Fb:Thanh Lam Lé

Céu 203: Cho tam gidc ABC c6 AB=3; AC=4 .Goi AD la duong phan giac trong ciia goc A .Biét
AD =mAB+nAC Khi d6 tong m+n c6 gia tri la:

A. 1l B. -1 C. 1 D. 1
7 7
Loi giai
Chon A
B ) C

Theo tinh chat dwdng phéan giac trong ctia goc A trong tam gidc ABC ta cé:

DB _AB _3 _ 3DC = —4DB = 3(AC — AD) = —4(AB — AD)

DC AC 4

4 3 4 .
C>7AD=4AB+3AC<:>AD=7AB+%AC .Ta co m=7;n=%.\/ayt6ng m+n=1.Chon A

Cau 204: Cho tam giac ABC bét ky, goi M,N,P lan luot 1a trung diém cac canh AB,BC,CA. H,H'
lan luot 1a tryc tAm cac tam gidc ABC, MNP . Khang dinh nao dung trong cac khang dinh sau?
A. HA+HB+HC =3HH'. B. HA+ HB+HC =2HH''.
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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C. HA+HB+HC=0. D. HM +HN +HP =3HH .
Loi giai
Chon B

e ——
.f EF‘EH/
[ )
[ A [\
e — \Y
/ N e /
=5 —?—EHEH
. |l \ _N\_“"-—__\_
- S M ' /€
el ™
Hhh“"“““ﬂ-__,_h K"'-‘.‘
—)
D

H' 1a tryc tim tam giac MNP nén H' la tim duong tron ngoai tiép tam gidc ABC.
Goi AD 1a duong kinh ctia duong tron ngoai tiép tam giac 4BC nén BHCD 14 hinh binh hanh

suy ra HA+HB+HC =HA+HD=2HH".

Mail: kimlinhlgd@gmail.com

Céu 205: Cho tam giac déu ABC tdm O. M 1a mét diém bat ki bén trong tam giac. Goi D, E, F lan luot 1a
hinh chiéu ciia M 1én BC, CA, AB. Véi gia tri nao cua k ta c6 hé thic:
MD + ME + MF = kMO

A k=L B. k=1, C k=2 D. k=2
2 2
Loi giai
Huynh Kim Linh GV Truong THPT Chuyén Lé Quy Pon Khanh Hoa
Chgn C

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Goi hinh chiéu cua M 1én canh BC 1a D. Tacéod
Se MD _ 35 =5 g =35 55
S A4’ S 28
S, =Susc

Tuong tu cho cac danh gia khac.

Do do:
m+m+w=%(saza+sb§5+sfa)=

:%(SQ(ATO—W)%S} (J\TO—W)JFSC(ATO_W))

=28, +8,+5,) MO~ (S,MA-+ 5, MB + 5, MC) =2 MO
28 28 5

Cich Khic: Qua M ké cac dudng thing song song véi cac canh BC, CA, AB
Hy va tén tic gia: Nguyén Thanh Diing Tén FB: Nguyén Thanh Diing
Email: thanhdungtoan6@gmail.com

Ciu 206: Mot gia d& hinh tam duoc gin vao tuong (nhu hinh v&). Tam giac ABC vudng cén tai B.
Nguoi ta treo vao diém A mot vat nang 10N. Tinh dd lon cta cac luc tac dong vao tuong tai B
va C? (B6 qua khdi luong cua gia dd)

B A

10N

A. F, =10J2N,F. =10N
B. F, =10N,F, =1052
C. F,=F.=10N
D. F, =10N,F, =—1042
Loi gidi

Pap an: B

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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Cau 207:

Cau 208:

|
e
Ln

ol
A
4= N
L
e

"wl

|

Hé¢ chat diém can bang nén F;+(—F2)+P -0 F=-P= ‘1?‘ = ‘7" =10N

F, =|F,|=|F|=[F| =10~

F, =|-F|=[F|v2 =[P[V2 = 102N

Tam giac ABC vudng cén tai B suy ra

Email: giachuan85@gmail.com

Cho ba diém 4, B,C thudc duong tron tam O, théa man O4+OC+OB =0 Tinh goc 40B 9
A. AOB=120". B. A0B=90". C. AOB=150". D. AOB =30".
Loi giai

Ho va tén: Tran Gia Chudn Tén facebook: Tran Gia Chudn

Chon A
Do OA+OC+0B=0 nén O 1a trong tdm tam giac ABC.

Ma O 1a tim dudng tron ngoai tiép tam giac nén tam giac ABC déu. Vay goc AOB =120°

Email: giachuan85@gmail.com

Cho tam gidc ABC. Piém M trén canh BC thoa min AM :é.A—BJr%R? , khing dinh nao

sau day la khiang dinh dung?
A. MB=2MC . B. MB =2MC. C. MC=2MB. D. MC =-3MB.
Loi giai

Ho va tén: Tran Gia Chudn Tén facebook: Tran Gia Chudn

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Chon B
Cich 1: Gia st BM = k.BC khi d6 A
Ta co
AM = AB+ BM

= AB+k.BC

- 4B +k.(4C - 4B)

—_— - . o » » C
=(1-k).AB+k.AC B M
s — 1 —= 2 — 2 . _

Ma AM =§.AB+§.AC:>k=§ suy ra 3.BM =2.B
Cach 2:

AM =L 4B +24C =1 a0 + 2 MB+2 M +2 C
3 3 3 3 3 3

l— 2_—= =

& —MB+—MC=0
3 3

& MB+2.MC =0

= MB =2MC

Email: cvtung.lg2@bacgiang.edu.vn

Cau 209: Cho tam gidc déu ABC ndi tiép duong tron tim O, M 1a mot diém tlly ¥ nam bén trong tam
giac di cho; goi A'; B';C 'theo thtr tu 1a hinh chiéu vudng goéc ciia M 1én cac canh BC;CA va

AB . Khi d6 ta c6 dang thic vecto k(MA' +MB' +MC')= IMO , k.I# 0,% 1a phan s6 t6i

gian. Tinh 2k* - [*..
A2k 17 =1. B. 2k* -1 =-1. C.2k° -1 =14. D. 2k*-1* =-5.
Loi giai
Ho va tén tac gia: Cao Vian Tung Tén FB: Cao Tung

Chon B

c1

c2

Tir M ké cac duong thang song song v&i cac canh BC;CA; AB va cac duong thang niy cat cac
H canh cua tam giac ABC tai cac diém A4,4,,B,B,,C,,C, nhu hinh trén. |:|

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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|

Cau 210:

Cau 211:

Xét tam giac MA, A, do tam giac ABC déu va tinh chét ciia goc dong vi nén goc

m = m =60° suy ra tam gidc MA, A, déuva A' 1a trung diém cua 4, 4, tlr do ta co:

MA'=%(MA1 + M4, )

Chimg minh tuong ty ta c6 MB'= %(MBI +MB, ); MC" = %(Mc1 +MC,).

Suy ra MA' +MB' +MC" = %(MAI +MC, + MA, + MB, + MB, + MC, ), mat khac céc ti gide

ABMC,; BAMC,;CA,MB, la hinh binh hanh nén

MA' +MB' +MC' =%(M+M§+ME)=%M5 <:>2(MA' +MB" +MC'):3MO :

Vay k=2;1=3=2k>-1"=-1.

Email: trang145@gemail.com

1
2
Ta co Al =kAB+IAD . Khi dé ti s6 k,1 thoa méan cdp nao sau:

Cho hinh vuéng ABCD, E,F thda man BE = %B—c;ﬁ =——CD; AENBF =1

A.kzi;lzz B.kzé;lzg C.kzé;lzi D.kz—é;lzl
5 5 5 5 6 6 3
Loi gidi
Ho tén: Nguyén Thi Trang Fb: Trang Nguyen
Chon B
A B
K
1
D P F

KéEK/AB— EK _1_ EI _EK 1
CF 3 Al 4B 6

Ta co: E:%ZE:%(ZEJFEE)=§(ZE+%§6)=§ZE+%§5)

Cho tam giac ABC | trén canh AC ldy diém M , trén canh BC liy diém N sao cho:
AM =3MC  NC=2NB  o4i O | giao diém cua 4N va BM .Tinh dién tich ABC biét dién
tich AOBN bang 1.

A. 10. B. 20. C. 25. D. 30.

(Ho va tén tdac gia: Nguyén Thi Phwong Thdao, Tén FB: Nguyén Thi Phuwong Thdo)

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Loi giai
Chon D
A
Vi 4,0,N thang hang nén: BO=xBA+
Tuong tw: AO=yAM +(1-y)AB M
=> AB=yAM +(x—y+1)4B+(x—-1)BN B N c

hay (x— y)AB+yAM +(x—1)BN =0 (1)
Pit CB=a, CA=b.

Ta co6: ﬁz&—l;; AM =—

Thay vao (1) ta co: (x—y)(Zz—B)—%yb+(x—y)(—%21j =0

@(x—y)[z—(x—y)gzx—_l&—ﬂg
3 Y74
x—1 1
x—y:— X=—
Tir d6 ta co: 3 o 120
—X=— = —
yox=2v | y=g
Véi x= - = BO=L Bi+(1-)BN
10 10 10
= BO- BN = (B~ BN) hay NO=—Ni = 2410,
10 10 NO

Vi S, =1=8y,;=10=S§,,.=30.
Ho va tén: Nguyén Viin Quin Tén FB: Quéin Nguyén
Email: Quanvan09@gmail.com

Céu 212: Cho tam giac ABC c¢6 tryc tim H, trong tdm G va tdm dudng tron ngoai tiép O. Chon khing

dinh dung?
A. HA+HB+HC =4HO . B. HA+ HB+HC = 2HO .
. 7 — -, .
C. HA+HB+HC:§HO. D. HA+HB+HC =3HO.
Loi giai
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com |:|
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Cau 213:

A

D& thdy: HA + HB+ HC = 2HO néu tam gisc ABC vuéng.

Néu tam giac ABC khong vudng goi D 1a diém ddi xtmg cta A qua O. Khi do:

BH / /DC (vi cung vudng goc voi AC).

BD/ /CH (vi cung vudng goc vdi AB).

Suy ra BDCH 14 hinh binh hanh, do d6 theo quy tic hinh binh hanh thi HB+ HC = HD (1).
Mt khac vi O 13 trung diém ciia AD nén HA + HD = 2HO (2).

Tir (1) va (2) suy ra. HA + HB + HC = 2HO .

Tén facebook: NT AG

Cho tam giac ABC ¢6 D la trung diém ciaa BC, O la mdt diém trén doan 4D sao cho
AO=40D. Goi {E}zCOﬁAB,{F}zBOﬁAC, {M}zADr\EF. Khing dinh nao sau
day dang?
— l—= — 2 — — 11— = 2=
A. MO=-=4D B. MO=—4D C. MO=—-4D D. EM ==BC
7 15 8 7
Loi giai
Ho va tén tac gia: Nguyén Ding
Chon B
A
E F
o
B D c
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Dét:ZE‘zxZE, Zézyﬁ, (x,yeR).

Theo bii ra ta 8 A0 =+ AD = =(AB+ AC) = 2 xAE+= AC == AB+= yAF
5 5 5 5 5 5
2 \ 2 2 3
Do O, B, F thang hang nén g+§y:l: y:E
2 \ N 2 2 3
Do C,0,E thang hang nén gx+§:1:>x=5

Tude: AB_AC_3_AD s 40=2 4D = 40=21D
AE AF 2 AM 5 15

Céu 214: Cho hinh thang ABCD ¢6 AB//CD. Goi M,N lan lwgt 13 trung diém cia AC,BD . Ké
NH L AD (H € AD)va ME 1 BC (E € BC). Goi {I}=MENNH , ké IK L DC (K € DC).
Khi d6 trong tam giac MNK hé thirc nao sau diy ding?

A. MK.IN + NK.IM +MN IK =0 B. IN.tan N + IM .tan M + IK .tan K =0
C. IN.cot N+ IM .cot M + IK.cot K =0 D. IM+IN+IK =0

Loi giai
Chon B

Ta ching minh ID = IC

— ABF + AJF =180°

Ké AF 1 BC,BJ 1 AD. Tl gidc  ABFJ ndi tiép o
= DCB + AJF =180°

Khi d6 = DCFJ 1a tir giac ndi tiép.

NH ,ME la cac dudng trung binh cia céac tam gidc DBJ,CAF

IH , IE 1a cac duong trung tryc cua DJ,CF nén IJ =IF =ID =1C. Vay
NH//BC {NK 1 ME {NK 1M1

ID=I1C=KD=KC = = =
MK //AD MK 1| HN MK | NI

Tur d6 suy ra 1 1a tryc tam tam gidc MNK . Nén dép an dung 1a B

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ho va tén tic gia: Nguyén Vin Todn Tén FB: Diu Vét Hat
Email: nguyenvantoannbk@gmail.com

Cau 215: Cho AABC, diém M thudc canh BC sao cho 2018.S,,,, =2019.5,,,, . Pang thic nio sau

day sai?
A. 2018.8, 5 = 4037.8, ,cu; - B. 2018.BM +2019.CM =0.
—— 4037 —— 2019
C BC=— " BM  D. Sy == Suuc-
Loi gidi
Chgn C

Ké duong cao AH cua AABC.

, 2019 4037 ,
Taco Sy pc = Saimu +Sascn = m aem TRaem = mSAACM , suy ra A ding.
Tuong tu D cling ding.
l AH.BM
Tur gia thiét ta co S _ 2 _BM _ 2019 = BM = —&Cw, suy ra B dung.
Suer Y goay CM 2018 2018
5 AH.
(C sai vi BC =M.W).
2019

(T4c gia: Nguyén Vin Phung,Gmail: nvpmaster0808@gmail.com)

Cau 216: Cho tam gidc 4BC. M la diém ndm trén canh BC sao cho S, =3S,,,.. Mot duong thing

cit cac canh AB,AM,AC lan luot tai B',M',C’ phan biét. Biét rang 4B +2 AC =k. AM .
AB'"  AC' AM'
Timsb k .
A k=1. B. k=2. C. k=3. D.%.
(T4c gia: Nguyén Vin Phung,Gmail: nvpmaster0808@gmail.com)
Loi giai
Chgn C

C

B M
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- 2
Ta co SABC=3SAMC:>BC=3MC:>BM=§BC
BétA—F:xTB; A—C'=yz’;AM':ZW
Taco B'M'=AM '~ AB'=zAM —xAB
~2(AB+ BM ) ~xB = (- x) 4B+ > BC

— 27— — z — 2z—
=(z-x)4B+=(AC~4B)=| Z-x |AB+—4C

3 3 3

Lai co: B'C'=A—(,’d'—2Bd'=yZE’—xZE

Trdosuyra k=3.
nguyenchitrungl2@gmail.com

Cau 217: Cho n diém phan biét trén mat phfmg. Ban An ki hiéu ching 1a 4, 4,,..., 4,. Ban Binh ki hiéu

ching 1a B, B,,...,B, (4, # B,). Vecto tong 4,B, + 4,8, +...+ A B, bang

A. 0. B. 44 . C. BB, . D. 4B, .
(Swu tam, Tén FB: Trung Nguyén Chi)
Loi giai
Chon A
Lay diém O bat ki. Khi d6
ﬁ+m+...+m=(@+@+...+@)+(T&+T&+...+T&)

Vi {B,B,,..,B,} ={4,4,,..,4,} nén

>“"n

OB, +OB, +...+ OB, =04 +OA4, +...+ 04,

Do d6 A,B, + A,B, +...+ A B, =(TO+O—AI)+(@+O—Az>+...+(fO+O—An):6.

Ciu 218: Trong duong tron (O) véi hai ddy cung AB va CD cit nhau tai M. Qua trung diém S ctia BD ké

2
SM cét AC tai K sao cho ﬁ =q .Tinh: AM2
CK C

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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B
C N
/I / \\\
K ~ /7 XS
/M\\\\\
/o
A
2 1
A.2a B. a C.— D.a
a
Loi gidi
A—K=a>0
CK

Ta c6: MK =—— MiA+—"— MC (1)
1+a 1+a

Do MK,MS cung phuong nén: MK =IMS =é(ﬂl§+ﬂ5)

Mat khac
S h —
MB =-—"_ M4
MAMB = MCMD =b>0=> MA

MD=——"_wmc
MC

7 QL v B V7 1)
2MA 2MC
1 bl
. . l+a  2MA* MA®
Tu (1) va(2) suy ra =a=
(1) va (2) suy b U
l+a  2MC>

— 1 —

Cau 219: Cho tam gidc ABC. Goi D, E 1an lugt 1a cac diém thoa man: BD = %R‘, AE =2 AC.

. . , . AK
biém K trén AD sao cho 3 diém B, K,E thang hang. X4c dinh ty so =5

A
2

Loi gidi

C

I
W | =
| —

1
4

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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A

B D C

Ba diém K, B, E thang hang khi va chi khi ton tai & sao cho:

AK =a AB+(1-a)AE (1)
R l— 2—
bat 4K =xAD=x(§AB+§AC)

:ﬁzx%@%m:g@%% @)

Ap dung hé qua 5 thi tir (1) va (2) ta co:

X 1

a== x==

1 ’ 2 < 31

X

—(l-a)=— o=—

4( ) 3 9
Vay AK=lap 4K _1
3 AD 3

Facebook: Lé Vian Ky

Email: lethithuy@thpthv.vn

Cau 220: Cho tam gidc ABC vuong tai C, c6 AC = b, BC = a, D 1a chan duong cao ké tur C.
Khing dinh nao sau day la ding?
2 2 2 2
A.CD=-—"_Ci+—" _CB. B.CD=—"_¢Ci-—” _¢B.
a +b a +b a +b a +b
. a2 . b2 . . (12 . bZ .
C.CD=———-5A4C+———=BC D. CD=——+5AC-———+BC.
a +b a +b a +b a +b
Loi giai
Chgn A
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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A
D
b
C a B
2 2 2 2
Taco BC* = BD.BA= BD = > :>E=CBZ=%:>BD= s BA.
BA  BA BA® & +b @ +b
2
Lai ¢6: BA=CA~CB = BD = —"—(CA~CB).
a +b
_ . . . aZ . aZ N bZ .
Vay CD = CB+BD = CB + CA—CB)= CA+ CB
y a2+b2< ) a2+b2 a2+b2

Email: huyenbla81@gmail.com

Cau 221: Cho tam giac ABC c6 trong tdim G. Goi I 1a diém xac dinh boi 5I4—-7IB—1C =0. Goi E la

giao diém ciia Al va BG. Tinh ty s6 12—1;1

A. 2. B. l C.3. D. l
2 3
(Ho tén tic gia: Nguyén Thi Thu Huyén. Tén FB: Thu Huyen Nguyen)
Loi giai
Chon B
E C

Vi G la trong tam cua tam gidc ABC nén ta co6:
IA+1B+1C =3IG.
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ma: 2A-"TIB - IC=0.

Vay ta co: 6/4-6IB =3IG

& 2BA=1G

IG//AB
~ 171G =24p (hinh v&)

EA AB 1
> —=—=—.
EI IG 2

Email: nghiepbt3@gmail.com

Céu 222: Cho 2 tia Ox, Oy vudng goc. Trén tia Ox lay cac diém A,B sao cho OA = OB = 1. C 1a diém
thudc doan OA, N 1a mot diém thude doan OB va dung hinh vuéng OCMN. Trén doan CM léy

diém Q va dung hinh vudng ACQP. Goi S 14 giao diém ciia AM va PN. Gia st OC = kOA,
TSzxm, ﬁzyﬁ, ke(%;lj

Khix+y= % thik = %, v6i a,b € N va a, b nguyén t6 cling nhau thi a.b bang

A.7 B. 4 C.s D. 12
Loi giai

FB: Ngo Quang Nghiép
Ta co: &za’uﬁ:&”M:&H(W-&):@-xmmw
:(l—x)aHx(&Ha\f):(1—x)54+xk&+xk5§
= (1-x + kx)OA + xkOB , (1).
Mt khéc: 59=ﬁ+ﬁ9=k073+yﬁ°=k0—19+y(073—ﬁ):kﬁ+y54+yﬁ—yko—3
= k(1- y)OB + yOA+ y(1-k)OB, (vi AP = CA =1 -k nén AP = (1-k)OB)
= y0A+(k +y-2ky)OB, (2).
1—k
l-x+kx=y x:m

<~
o = k + y — 2ky s
2% 2k +1

Tir (1) va (2), ta cd {

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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Taco: x+y=—<&

3

13 1—k K’ 13 4

+ =—

10 2k —2k+1 2k*~2k+1 10 1
4

Ddi chiéu diéu kién, ta chon k = %. DAPAN D.

Ho Tén: Lé Duy Tén FB: Duy Lé Email: Duyleag@gmail.com

Cau 223: Cho tam giac ABC. Gia sir diém M nam trén canh BC thoa cic tam gidc MAB, MAC lan
luot co dién tich 1a S, S, . Khéng dinh nao sau day dung?

A. (S,+8,)AM =S, 4B+ S, AC. B. (S,+S,)AM =S, AB+ S, AC.

C.(S,-S,)AM =S, 4B~ S, AC. D. (S,-S,)AM = S,AB S, AC.
Loi giai

Chgn A

Goi h=d(4,BC).

La(a.Bcysm BM

CM

Taco —L= T =
5 Sd(4.8¢).cum

— BM = 2LMC o 5, (BA+ AM ) = S, (Mi+ 4C)

2
< (S, +8,)AM =S, 4B+, AC

Ho va tén tic gii: Nguyén Pirc Duin Tén FB: Duan Nguyen Duc

Email: Duanquy@gmail.com
. .2 —-— =l .
Cau 224: Cho tam giac ABC ¢6 ¢6 M 1a trung diém cua BC, Al = 7M1 . biém K thudc canh AC sao

cho B,LK thing hang. Khi d6 KA =_2CK . Tinh S = 25m+6n+2019

n
A. §=2019. B. $=2068. C. §=2018. D. §=2020.
Loi giai
Chon B
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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A

S — c
Taco AM =—(AB+4C).

Goi diém K thudc canh AC sao cho AK = x.AC .

— 1= 55— 1—

Taco BK =—AB+x.AC va ﬁ:—@+%.W:—E+gAB+gAC:?AB+gAC

, , X m=1
bé B,IK thang hang thi — = T S x=

37@:1@:{
-5 4

1
5

n=4

6 6
Vay §=25.1+6.4+2019 =2068

Ho va tén: Nguyén Quang Huy Fb: Nguyén Quang Huy
Email: boigiabao98@gmail.com

Céu 225: Cho tam giac ABC c6 trong tam G, ly cac diém I, J sao cho IA =2IB va 3JA +2JC =0 va thoa
min dang thire T =kIG . Gia tri cta biéu thirc P =(25k* —36)(k>+k+1)" 1a:

A. P=1235 B.P=0 C.P:% D.P:g
Loi giai
Théat vay néu ta goi M 1a trung diém cua BC ta c6:
G =AG-Al=2AM-2AB = 2. L(AB+AC)-2AB - L AC->AB
5 32 3 3
6

Mt khac ta lai ¢6 ﬁ:ﬁ—ﬁ:%ﬁ-z@:géﬁ—gﬁ)zgﬁ

Do d6 kzg

Nhan théy 25k* -36= 25.%—36 =36-36=0do d6 P=0.vay chon B

(Email): nguyenmy181@gmail.com

Céu 226: Cho tam giac ABC . M la diém nam trén canh BC sao cho S e = 38 40 - MOt duodng thang

AB  AC _ AM

cit cac canh AB,AM,AC lan luot tai B',M',C" phan biét. Biét +m =n .
AB' AC! AM'

Tinh m+n.

A. 2. B. 5. C.3. D. 4.

Loi giai

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 227:

=35

AMC

Taco S ;»Bostc;»W:%%

ABC

DétA_B;:xA_l;; AC":yA_C—;;AM':zm

Tacd B'M' = AM'— AB' = 2AM — zAB

:z(ﬁ+ﬁ)—zﬁz<z—x>ﬁ+%%

z

:<z—x>ﬁ+% E—A_l;): ——2z A_§—I—2—ZA_C—"
3 3 3

B'C'= AC'— AB' = yAC — zAB

z 2z
— 377 3 3 1 2
MétkhécB'M',B'O'cfmgphuo*ngnén?’—:i(:)—:—%——
-z Yy z Ty
HayAB+2AC:3AM
AB' AC" AM'

(Ho va tén tic gia: Nguyén Thi Tra My, Tén FB: Nguyén My)

Ho va tén tdc gii: Nguyén Ding
Tén facebook: NT AG
Cho tam gidc ABC ¢6 D la trung diém ciia BC, O la mot diém trén doan AD sao cho
AO=40D. Ggi {E} =CONAB,{F}=BONAC, {M}=ADNEF . Khing dinh nao sau
day dang?

— l—= — 2 — — 1—= - 2=
A. MO=-4D B. MO=—4D C. MO=—-4D D. EM ==BC

7 15 8 7
Loi giai

Chon B

B D

Dét:@zxﬁ, A—Czyﬁ, (x,yeR).

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Theo bii ra ta 6 A0 =+ AD = >(AB + AC) = 2xAE +2 AC == 4B+ yAF
5 5 5 5 5 5

Do O,B,F théng hang nén %+%y=1:>y:%

Do C,0,E thang hang nén %x—i—%:l: ng

fodé:A—BzﬂzizA—D,laicéAoziAD:M—Oziﬂ)
AE AF 2 AM 5 15

Céu 228: Cho hinh thang ABCD ¢6 AB//CD. Goi M,N lan lwot la trung diém cia AC,BD. Ké
NH L AD (H € AD)va ME L BC (E € BC). Goi {I{=MENNH , ké IK L DC (K € DC).
Khi d6 trong tam giac MNK hé thirc nao sau diy ding?

A. MK.IN + NK.IM + MN.IK =0 B. IN.tan N+ IM.tanM + IK.tan K =0
C. IN.cot N+ IM .cot M + IK.cot K =0 D. IM+IN+IK =0

Loi giai
Chon B

Ta chung minh ID =IC

— ABF + AJF =180°

Ké AF | BC,BJ 1 AD. Tk gisc  ABFJ ndi tiép T
= DCB + AJF =180°

Khi d6 = DCFJ 1a tt giac noi tiép.

NH ,ME 1a cac duong trung binh cia cac tam giac DBJ,CAF

IH, IE 1a cac duong trung truc cua DJ,CF nén IJ =1F =ID=1C. Vay
NH//BC {NK 1 ME {NK 1 mI

ID=IC=KD=KC => = =
MK //AD MK 1 HN MK 1 NI

Tur d6 suy ra [ 1a tryc tam tam gidc MNK . Nén dép an dung 1a B

Ho va tén tac gia: Nguyén Thi Tiét Hanh Tén FB: Hanhtiettiet

Email: tiethanh. 78@gmail.com
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Cau 229: Cho hinh binh hanh ABCD. Goi I la trung diém cua CD, G la trong tam tam giac BCI . Dit
a=AB,b=AD. Hay tim dang thirc dung trong cac dang thic sau?

A AG=2a+2h.  B. AG=2a+b.
3 6
C. AG=a+2b. p. 4G=23.:25.
6 3 3
Loi giai
Chon A
D I C
- G
b
A N B

a

1 .

* ] 1a trung diém ctia CD nén: Ez%E+EA_5=EAB+AD.

* G la trong tdm tam giac BCI nén: A‘é:%ﬂh%l&%ﬁ , thay AC=AB+ 4D va

AT = 4B+ 4D 1@ duoe 4G = 4B+ (45-+ AD )+ 5[ 4B+ 4D |~ 245+ 24D
2 3 3 3 2 6 3

(Email): locleduc10@gmail.com
Cau 230: Mot duong thang cit cac canh DA, DC va dudong chéo DB ciia hinh binh hanh 4ABCD lan

luot tai cac diém E, F va M. Biét DE = m.m, DF =n.DC (m, n>0). Khéng dinh dung la:

m+n— m

A. DM = DB. B.DM = DB.
m.n m+n
C.DM=—""DB. D.DM=""1DB.
m+n m+n
Loi giai
Chon D

biat DM = x.DB; EM = yW.
Khi dé:

E—MzD—M—sz(x—m)m+xﬁé

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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szM—ﬁzxme(x—n)ﬁ
Ta co:

mzymc(x—m)m+xFC=xym+y(x—n)ﬁ.

— . o |x—-m=xy
Do DA; DC khoéng cung phuong nén
x=y(x—n)
Gii hé duge y=-" va x=""
n m+n
vay DM =" DB
m+n

(Ho va tén tac gia: Lé Diwrc Loc, Tén FB: Lé Duc Lic)

Email: phuogthu081980@gmail.com

Céu 231: Hinh thang cAn ABCD c6 do dai duong cao AH = a; AB//CD, AB = a~J3; AD = a\J2; AB < DC

L + —
AC cit BH tai 1. Biét Al = x+yz AC;x;y;zzmeN
) m

Tinhtong T=x+y+z+m

A. 20 B. 18 C.17
Loi giai

.21

IS

Ho va tén tac gia: Nguyén Thi Phuong Thu FB: Buisonca Bui

A B

D H C

+)Z=Z§+ﬁ=2§+kﬁ§=Z§+k(2§—A—H)=(l+k)2§—kﬁ

\/§+1E.
NG

+>/Tc:ﬁ+f7czﬁ+%ﬁ:ﬁ+

) € AC < Al =mAC
Ma E,ZE khong cung phuong

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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\/§+1
k+1= .
= * 3 m:mz#:A[z
k=—-m
=7T=6+1+3+11=21

6+\/§R,
11

tambc3vl@gmail.com

Céu 232: Cho hinh thang ABCD véi O 1a giao diém ciia hai duong chéo AC va BD. Qua O v& dudng
thang song song v&i day hinh thang, duong thang nay cat cic canh bén AD va BC theo thir tyr

taiM vaN. V6i AB=a, CD=b, khi d6 MN bing:
A a.AB+b.DC . B. b.AB+a.DC _ C. a.AB-b.DC . D. b.AB—a.DC _
a+b - a+b a+b a+b
Loi giai
Ho va tén: Nguyén Thanh Tam Tén FB: Tam Nguyén
Chon B

Do MN//AB//CD nén: MA_NB_04 _OB _ 4B
MD NC OC 0D DC

a

.
L T a —=

Do do MAz—Z.MD;

NB = —%.ﬁé, nén:

_ o4+%0op  o0B+%0C

a a

1+— 1+—

b b

__ 0B-0i+“(0C-0D) 4B+“DC , 5. 5o
C6: MN =ON - OM = b _ b~ _b :
1+¢ 1+4 a+b
b b

Céu 233: Cho tam giac ABC déu tim O; diém M thudc mién trong tam giac OBC; D, E | F lan luot
1a hinh chiéu vuong goc cia M trén BC, CA, AB . Khang dinh nao sau diy dung?

A.MB+ME+W:%M5. B. MD + ME + MF = MO .
C. WD+ ME + MF =330. Q.W+W+W:§M—o.
Loi gidi.
Phan Minh Tam
Chon D
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H

ATHF R '8

Tx M ké duong théng Mx|| AC cét AB, BC tai H, K ;
T M ké duong thiang My || AB ciat BC, CA tai P, Q;
T M ké duong thang Mz || BC cat AB, AC tai R, S ;

Suy ra AHMR, APMK , AOMS 1a cac tam giac déunén MD, ME, MF 1a cac dudng cao
ddng thoi ciing 1a duong trung tuyén. Khi d6

MD =X (1P + K )
2

ME = (VS + MO):

Mle(erm).
2

Ta dugc MB+HE+W=%(@+W+MP+MR+MS+ME).

Hay EH\THW:%(MA+MB+MC):E(ATO+0A+M0+OB+M0+OC).

Mit khac ta c¢6 tam gidc 4BC déu nén tdm O ciing 1a trong tdm tam giac 4ABC nén
0A+0B+0C =0;

VéyA‘/IB+ME+W=%A‘/[5.

VAN DE 2. BA PIEM THANG HANG

Email: phunghang10ph5s@gmail.com
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Cau 234:

Cau 235:

Cho hinh binh hanh ABCD c¢6 cac diém M,I,N lan lugt thudc cac canh AB,BC,CD sao cho
AM =§AB, BI =kBC, CN =%CD. Goi G la trong tam tam giac BMN . Xac dinh & dé Al d

qua G.

AL B. 2. ct p. 12,

3 13 11 13
Loi giai

Ho va tén tic gia: Phing Hang Tén FB: Phing Hing

Goi E 1a trung diém cta MB. Khi do:
AM = ME = EB

Ta co: E@z%fﬁ

e Ed+ 4G = (Ed+ AN)

& AC=2AE+LAN & 4G =2 2 4B+ L(AC+CN) =2 4B+ 1| 4C-1 4B |- 2 4B+ Lac
3 3 33 3 9 3 2 18 3

Do BI = kBC va diém 7 nam trén doan BC nén BI =kBC

@ﬂ+ﬁ=k(§2+]@)@ﬂ:(l—k)2§+k2@

Do Al diqua Gnén 4,1,G thiang hang @%z%@%(l—k):%@k:%.
18 3

Cho tam giac ABC . Goi M la diém thudc canh AB, N 1a diém thudc canh AC sao cho

AM = %AB, AN = %A C' . Goi O 14 giao diém ctia CM va BN. Trén duong thang BC lay E.

bat ﬁ = ZL’B_C;
Tim x dé A, O, E thang hang.

Chon C

c. 2 D. >
13 11

Loi giai

A.

w |
=
O | oo
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Ta co: E :%ﬁ—i—iﬁ
AE = (1—x)A_§+xA_5
A, E, O thiang hang < ﬁ = k‘A—O'
k== k7% 36 9

o (l-2)AB+3AC =“AB+ AC o k=2 2= 2
9 4 13 13

Vay z = % 1a gia trj can tim.

Ho va tén tic gia: Nguyén Thanh Diing Tén FB: Nguyén Thanh Diing

Email: thanhdungtoan6@gmail.com

'

\of
-Q):
/Q Y twomg: Cho tam giac ABC, I la trung diém cua BC. Goi P, O, R 1a cac diém xéac
dinh boi:
AP = pAB, AQ = qAI, AR =rAC véi pqr#0.
, s P . A B |
Ching minh rang: P, Q, Rthang hang khi va chi khi —=—+—.
q9 pr
Chirng minh
Ta co

PO =40~ AP =gl - pB =g+ (4B + 4C)- pB = 1> 4B+ L 4C
PR = AR~ AP =rAC - pAB

Do d6, P, O, Rthang hang khi va chi khi ton tai s thuc m sao cho I?Q =mPR

& L2 45+ LUC = m(rdC - pB) & 222 G 2 4C

q—2p+2mp_0
= 2 (vi 4B, AC khong cing phuong)
q—2mr
=0
2
"= _2i 2 1 1
= p@l 9 —iQ———'F—
m:i 2p 2r q p r

2r
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ciu 236: Cho tam giac ABC. Goi / 1a trung diém BC; P 1a diém ddi ximg v6i 4 qua B; R 1a diém

trén canh AC sao cho AR :%AC . Khi d6 duong thang 4R di qua diém nao trong cic diém

sau day?
A. Trong tam tam gidc ABC. B. Trong tdm tam giac ABI .
C. Trung diém Al . D. Trung diém BI .
Loi giai
Pap an: B
A
G
B c
J H 1

AP=24B(p=2)

Theodébii, s »__/ »
AR=§AC(1”=§)

Goi G la trong tam tam giac ABI , ta dugc AG = %ﬁ (q = %)

Ta co l+l:l l:3 :z suy ra P, G, R thang hang.
pr 23 q
2
D fosey
’ (c6 thé phat trién P, J, G, M, R thang hang v&i J — ¢o 1€ 1a trung diém BH, con M chia
Al theo ty s6 tinh dugc)

Cau 237: ChoA4BC ¢o [ 1a trung diém cua 4B va G€ AC:GC=24G Goi F 1a giao diém cua CH
va BG  Tim diém I trén BC sao cho 1,F, 4 thang hang

A. IC=-2IB. B. IB=-2IC. C. IB=1IC. D. IC =-3IB.
Loi giai
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A E D

B C

Goi D 1a dinh thir tu cta hinh binh hanh ABCD va E 1a trung diém cua AD. Khi do, ta co:

1] —

FH = ——FC
4

Van dung dinh Iy Menelauyt trong AHBC ¢6 A,F,I thang hang

AH IB FC | 1B
<:>==.=:1<:>—=(—4) 1

AB IC FH 2 IC

B__1

ic 2

Vay IC =-21B.
Ho va tén tac gia: Hoang Thi Tra FB: Hoang Tra

Ciu 238: Cho tam giac ABC. I 1a trung diém ctia BC. Goi M, N, P lan luot 13 cac diém xac dinh boi
AM = le};A—]\7 = an;Zﬁ = pZE’ , voi mnp #0. Tim diéu kién cua m,n, p dé M, N, P théng
hang.

A. mp=mn+np B. 2mp =mn+np C. 2np=mn+mp D. 2mn=mp+np
Loi giai

MP = AP~ AM = pAC —mAB
Ta ¢6 pAC=mAB AI——(AB+AC)

MN = AN — AM =nAl —mAB

N:%(ZE+Z€)—mZE=(§—m)ZE+§ZE

n n
Tom =
Do mnp #0 nén M, N, Q thing hang khi va chi khi 2—— =2 < 2mp = mn+np
-m p
Chon dap an B.
I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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Nhén xét: Vi bai toan trén thi viée cu thé hoa bd ba sb m,n,p sao cho thoa man diéu kién trén
ta déu ra dugc bai todn ching minh ba diém thang hang. Két qua trén chung ta c6 thé van dung
vao dé giai nhanh bai toan sau:

Ciu 239: Cho tam giac ABC. Goi G la trong tdm ciia tam giac, I 1a trung diém ctia BC, M va N 1a cac

CN=13C
diém duoc xac dinh boi 2 . Goi P 1a giao diém cua AC va MN. Tinh ti s6 dién
3MA+4MB =0
tich tam giac ANP va tam giac CNP.
A.3 B. % C.4 D.2
Loi giai.
Ta ¢o Sae = ﬁ Yéu cau bai toan dan dén tim ti sb j:—é

CNP

Ta dé dang chimg minh duoc M, N, G thing hang.

W:%ﬁ:zﬁ:@-@@z(@—ﬁ)w—c-@

Ta ¢6 < 2GN =3GC —GB =-3GA—-4GB
< 2GN =—-3GA-4GB +3MA + 4MB(vi3MA+ 4MB = 0)
< 2GN =7GM

Vay G, M, N théng hang. Mit khac MN cit AC tai P, nén M, G, P théng hang.

Ap dung két qua G, M, P thing hang theo cau 1 vao ta cé6 AM =mAB = m = ;

E:nﬁ:n:g, AP = pAC. Khi d6 2mp=mn+np<:>2.i.p=i.g+£.p<:>p=i,khl
3 7 73 3 5
do P—A:4.V€1y Save =4
PB Serp
e D ] —
. ) BD=—BC; AE=—AC .
Cau 240: Cho tam giac ABC . Goi D, E 1an luogt 1a cac di€m thoa man: 3 4 . biém
AK=24p & o 7 7
K trén AD thoa man b (voi b 1a phan s6 tbi gian) sao cho 3 diém B,K,E thing
hang. Tinh P=a’ +b°.
A. P=10. B. P=13. C. P=29. D. P=5.
Loi giai
Chon A
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Group: Strong Team TOAN VD-VDC-New I

A

K

Vi E:%A—c:ﬁzzi%%ﬁ(n

Gia stt AK = x.AD = BK = x.BD +(1-x)BA

Ma §5=§§é nén ZIZ:x.ZE:,»EZ=23—X§5+(1—

x)EZ

Vi B,K,E thing hang (B # E)nén c6 m sao cho BK = mBE

Do d6 c6: ZB—C+3TmBA _%ch x)BA

Hay (———jBC+[l—x—3—mJEZ=6
4 3 4

Do BC;BA khong cung phuong nén

ﬂ—2—01 x—3—m—0 Tudosuyrax—lmz§
4 3 4 3 9
~ 7 _ 177
VayAKngD

Email: themhaitotoanypl@gmail.com

CAu 241: Cho tam giac ABC, I1a diém théa man: 2/4— [B +4IC =0

K 13 diém théa man: KA+ 2KB +3KC =0

P 12 diém thoa man: PA+mPB +nPC =0

C6 bao nhiéu cap (m,n), mmnes, mne [—10;10] sao cho I,K,P théng hang.

A.2 B.3 C.4
Loi giai

Ta co E‘lz—mﬁ—n?é

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

Co: 2TA—TB +4IC =0 < 2(PA- PI)-(PB - Pi)+ 4(PC-PI)=0

& 5PI =2PA- PB+4PC

& 5PI =(-2m—1)PB +(-2n+4)PC

Co:

KA+ 2KB +3KC =0 < (PA~PK)+2(PB~PK)+3(PC~PK) =0 <> 6PK = PA+2PB +3PC
©6ﬁ=(—m+2)FB+(—n+3)FC

IK,P thang hang khi va chi khi 5ﬁ,6ﬁ( cung phuong

& 2m+1)Yn-3)=(m+2)2n-4) = 2m-5n=11

Do (m,n), mmnes, mne [—10;10] nén (m,n) € {(—8;—1),(—3,—1),(2,3),(5,7)}

(Fb: Luvu Thém)

Email : bovyhanam@gmail.com

Bai em swu tam a !

Cau 242: Cho tam giac ABC, M va N 1a hai diém théa man: BM =BC-24B , CN = Xﬁ_ﬁj. Xac
dinh * @& A, M, N thing hang.
1 1

A. 3. B. —. C. 2. D. ——.
3 2
Loi giai
Chon D
Ta co

BN = BC—245 < AM = BC— 4B < AM = —AC +2BC
CN = xAC—BC. > Ci+ AN = xAC ~BC & AN = (x+1) AC~ BC

Dé 4, M, N thing hang thi 3k # 0 sao cho AM =k AN

x+l=-k 2

Hay (x1)4CBC =4(-4C+28C) {7 7 ol 2
X

Huonghunge3@gmail.com

Ciu 243: Cho tam giac ABC ¢6 G 1a trong tam, I 1a trung diém AG | 1ay K thudc canh AC sao cho
AK =kAC . Néu B,I,K thang hang thi gi4 tri cia k nam trong khoang?

e el el
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Loi giai

(Ho tén: Nguyén Thu Huong. Tén FB: Thu Huong)

Chon B
Khong giam tinh tong quat: gia sir tam giac ABC c6: A(0; 0);B(6;O);C(O;6) thi
G(22);1(11)

. T — . . 6
Goi K(0;m) Khi dé:IB(5;—1);KB(6;—m). Pé B, K thing hang:5m = 6 < m = =

1
suyra k =—
Y 5

Ho va tén: Tran Vin Luét

Email: Tvluatc3tt@gmail.com

FB: Tran Luat

_—

Cau 244: Cho tam giac ABC, M 1a diém thudc canh AC ga0 choMA= _2~MC, N thuéc BM sao cho
NB=-3NM | p |3 diém thuoc BC . Biét ring ba diém 4, N,P thing hang khi PB=kPC
Khing dinh nao sau day la ding?

wre(ad) mae(Ea) e[l nf-ld
2 2 2 2

Loi giai

Chon B

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

A

Ta co

NB=-3NM < AB~ AN =-3(AM ~ AN) <> 4B +34M = 44N > AN = 4B+ AC .

Do P 1la diém thuoc BC  nén FB:kP—c@ATB—ﬁzk(A—C—ﬂJ)

— . 1 — .
@AB—kAcz(l—k)AP@AP:HAB—ﬁAC :

L _h k=2
Badiém A, N, P thing hang khi va chi khi 4P =hAN < 1"; 4

k

h
2

Vay k=-2.
Ho va tén: Hoang Thi Kim Lién
Email: lientiencl@gmail.com
Facebook: Kim Lién
Cau 245: Cho tam giac ABC . Goi M, N, p 1an luot ndm trén duong thing BC, CA, AB sao cho

MB =mMC, NC=nN4 pj_ pp . Tinhtich mnk dé M>N: P thing hang?

A. 1. B. 1. C.2. D. 2.
Loi giai
Chgn A
Taco:
MB=-—"_BC:BP=-Y_4B; BC=(1-m)MC; CN =" AC
1-m k-1 1-n

W=——1,TB+(L+L)26
1-m 1-m 1-n
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sz(—m_ 1 jrm m_ ¢
1-m 1-k 1-m

bé M, N, P théng hang thi ta c6 :

-m 1 _m
Cau2de:; 1=m 1=k __ l-m . -
-1 1 n
+
1-m l-m 1-n

(Email): thuhangnvx@gmail.com
Cau 247: Cho hinh binh hanh ABCD goi M 1a trung diém cua canh CD, N la diém thudc canh 4D sao cho
AN = %AD. Goi G 1a trong tm cta tam giac BMN, duong thing AG cit BC tai K. Khi d6

BK =" BC (™ 14 t6i gian). Tinh S = m +n

n n
A. S=16. B. §=17. C. §=18. D. §=19.
Loi giai
( Tén FB: Phing Hang )
Chon B

Ta co

24G = AE + AF =~ (AN + 4} ) + - (4G + 4B)
2 2
- 5

3G = AN + AM + 4B = 4D + (4D + AC)+ 4B = 4D+ AC + 4B

5—— 1 —— 4 3

=—AD+—(AB+E)+AB=—AD+—AB
6 2 3 2

— ]l — 44—

= AG=—AB+—AD.
2 9

Pit BK = x.BC = AK = AB+ BK = AB+xBC = AB+ xAD.
k—— 4k k=2
Do 4,G,K thang hang thi AK =k AG < AB+xAD ZEAB+?AD<:> 8

X =

9

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com

77



I Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 248:

m 8
Suyra —=—
Y n 9

Vay S =17

Email: builoivka@gmail.com

Cho hinh thang ABCD ¢4 day AB CD , CD =248 j , N lan luot 1a cac diém thude canh
AD va BC sao cho AM:SMD, 3BN =2NC Goi P la giao didm cua 4C va MN . 0 la

giao diém cua BD va MN'; Xnhi do %+@=g, véi £ 1a phan s6 t6i gian. Khi d6 a+b
PN OM b
bang
A. 386. B. 385. C. 287. D. 288.
Loi giai

Ho tén: Bui Thi Loi Facebook: LoiBui

Chgn A

D" C
Goi E la giao diém cta AD va BC.Taco A, lan luot 1a trung diém cua EC,ED.

Gia st PM =xPN ; ON = yOM .

11— 7x—=
- v —FA-—EC
Tac(,)EI—)ZEM—)CEN:6 10 _ 11 i 7x 50
1-x 1-x 6(1—x) 10(1-x)
Do P, 4, C thing hang nén 7 =1<:>55—21x=30—30x<:>x:—§.
6(l—x) 10(1—x) 9
vay PM_25.
PN 9
7T lly—=
= .1 —EB—-—=ED
Tacs BO=T0YEM 5 12~ _ T pp 1 g5
-y -y 5(l—y) 12(1—y)

~1lly
5(1—y) 12(1—y)

Do O, B, D thing hang nén =l<:>84—55y=60—60y<:>y=_%'
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viy OV 24
oM 5

Suyra%Jrﬂ:ﬂ:a=341;b=45:a+b=386.
PN OM 45

Cach 2:

Ap dung dinh 1y Menelaus cho tam gidc AMN véi ba diém thiang hang 1a 4, P,C , ta c6

PM CN AE 1 PM 3 6_1 PM 25

e =1 & ——=ls =—.
PN CE AM PN 10 5 PN 9
Ap dung dinh 1y Menelaus cho tam gidc EMN véi ba diém thang hang 1a B,Q, D, ta c6

ON DM BE | _ON 15 | ON _24
OM  DE BN OM 122 oM 5°
vay PM  ON 341

ay 2 a=34Lb=45=a+b=386.
PN OM 45

Email: datltt09@gmail.com

Cau 249: Cho tam giac ABC, trén canh AC léy diém M, trén canh BC léy diém N sao cho AM = 3MC, NC
= 2BN. Goi I 1a giao diém cta AN va BN. Tinh dién tich tam giac ABC biét dién tich tam giac

ABN bang 4.
A. S - =110. B. S . =115. C. S, =125. D. S ;. =120.
Loi giai
Ho va tén tic gid: Vii Thi Hang Tén FB: Dat Lim Huy
Chon D

Gia sir Al =k AN ta co
Bl —BA=kBN —kBA

:Ei:(l—k)iﬂ%ﬁé(l)
Twong tw 44M =3A4C = BM = BA+3BC(2)

Vi B,I M thang hang nén tir(1) va(2) ta c6 1=k

Suyra S, =10S,,, =40
S 5c =38 zv =120
(C6 thé dimg dinh 1y Menelauyt dé tinh 1y sé)
Email: samnk.thptnhuthanh@gmail.com
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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|

Cau 250:

Cau 251:

Cho tam giac ABC M thudc canh AC sao cho MA = -2.MC , N thuoc BM sao cho
NB =-3.NM , P thudc BC sao cho PB =k.PC . Tim gia tri k dé ba diém A, N, P thing hang.
A k=1, B. k=-2. C.k=-1, D. k=2.
2 - 2
Loi giai
Ho va tén: Nguyén Khic Sam Facebook: Nguyén Khic Sim

Chon B

Ta co:

NB =—-3NM > AB— AN =-3AM - AN ) 4B +3.AM = 44N

oav=‘ap+1ac @
4 2

PB=k.PC < AB— AP =k{AC~ AP) > AB-k AC =(1-k)AP (k #1)

eap-— 8-k 3¢ @
1-k% 1-%

Ba diém A, N, P thing hang khi va chi khi:

VAN PE 3. QUY TiCH
Nguyén Van Diing Fb: Nguyén Vin Diing

Email: dungtoanc3hbt@gmail.com

Cho tam gidc ABC voi J 1a diém thoa man 2JA+5JB+3JC =0 goi F 1a diém thudc
AB vathoaman AE =kAB Xac dinh k¥ dé C, E, J thing hang.
A. ke(—2;—1). B. ke(—l;O). C. ke(O;l). D. ke(1;2)

Loi giai
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Ta co

2ﬂ+5£+3ﬁ=6<:>2J—E+QE4+5LTE+5E—B+3J—C’:6<:>7LTE+3E+QE4+5E—B=6
Pé ¢, E, J thing hang thi 2ﬂ+5FB=6@7ﬂ+5ﬂ9=6@ﬁ=§ﬁzk=;
Chon C

Leminh0310@gmail.com

Céu 252: Cho hinh vudéng ABCD tdim O canh 1. Biét rang tip hop cac diém M thoa man
2MA® + MB? +2MC?* + MD* =9 1a mot duong tron ¢ ban kinh R . Khing dinh nao sau day
ding?

A. Re(0:1). B. Re(1:2). C. Re(l;%). D. Re(%ﬂ].
(Swu tim: Lé H6 Quang Minh — FB: Lé Minh)
Loi giai

Chgn C

B C

OA+0C =

0
OB+0D=0

Vi ABCD la hinh vuong tam O nén ta co: {
Theo giai thiét: 2MA4* + MB? + 2MC* + MD* =9

c>2(]\—/15+52)2+(A75+5§)2+2(A7[5+55)2+(A715+55)2 =9

& 6MO? +204% + OB* +20C? + OD? +2M—0(2@+2O—C+0—B+0—D) -9

0

& 6MO’+3=9 < MO =1.
Vay tap hop cac diém M 1a dudng tron tim O ban kinh R=1.

Email: thuyhung8587@email.com

Cau 253: Cho tam giac ABC . Tap hop nhitng diém M thoa man:
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4MA+ MB + MC| = |2MA ~ MB - MC| la:
A. Puong thing di qua A B. Duong thiang qua BvaC
C. DBuong tron D. Mot diém duy nhat.
Loi giai
4N + VB + NIC| ~ |2 - ME - M

@‘M+W+M—C+3m‘:\2M—2M‘, (I :1a trung diém BC)

@‘3(1\TG+M)‘=2‘M—W ,(G: trong tam AABC )

o 6‘@‘ = z‘ﬁ‘ o MJ =%IA ,(J 1a trung diém cia AG)

& JIM = %AG (khong d6i). Vay tap hop diém M 1a duong tron tim J , ban kinh R = A—2G .
Chon dép an C.

(Ho va tén tdc gia: Cin Vigt Hung, Tén FB: Viet Hung)

ngoletao@gmail.com

Ciu 254: Cho tam giac ABC c6 hai dinh B, C ¢6 dinh véi BC =2a. Goi H 1a tryc tim ciia tam giac
ABC va M la trung diém cia doan BC. Néu dinh A thay d6i nhung Iuén thda
MAMH + MA® = 44° thi diém A luon thudc mot duong tron cd dinh c6 ban kinh bang
A. 2a. B. a\/g. C. a\/E. D. a.
(Ho va tén tac gida: Ngo Lé Tao, Tén FB: Ngo Lé Tao)
Loi giai

Chon B

Taco
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MM = (BA+ CA)(BH +CH)
= %(2371.3_1? + CZ.FH) (do BA L CH,CA L BH
= %(E.ﬁ + 64.@) (dinh 1y chiéu vecto)

~Lpe
4
Suy ra
MAMH + MA? = 4a* < %.4612 Y MA® =44 & AM =a 3.

Céu 255: Cho hai diém 4 va B ¢ dinh. Tim gia tri k>0 dé tap hop diém M thoa min diéu kién
MA® + MB® =k 1a mot dudng tron.

2 2
A k<2ap. B. k==AB*. C.r<2up. D. k>=AB’.
3 3 3 3
Loi gidi
Chon D
Goi E 1a diém thoa man: EA+2EB=0 tach
EA+2EB=0 ta co:
—_— —\2 —_—  ——\2
MA* + MB® =k < (ME + EA) +(ME+EB) =k < 3ME’ =k—EA* ~2EB" (*)

Ma EA+2EB=O:>EA=§AB;EB=%AB nén (*) < 3ME? =k—§AB2

@MEZ:l(k—zAsz
3 3

. 2 ) ~
Neéu k < EAB2 : Quy tich diém M 1a rong.
Z 2 2 ~ o7 < R \ < R
Néu k= EAB : Quy tich diém M ladiém E.

. 2 .
Neéu k > EABZ: Quy tich diém M 1a duong tron tam E ban kinh R = %(k —%ABZJ .

PHAM THANH LIEM FB: Liém Pham
Email: Phamthanhliem 1 @gmail.com

Cau 256: Cho tam giac vuéng 4BC tai 4. Tim tap hop M sao cho MB* + MC* = M4
A. Puong thing. B. Duodng tron. C. Doan thang. D. Mot diém.

Loi giai
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|

Chon D
MB? + MC? = MA® < MB* + MC* — MA® =0. Goi E 1a diém duoc xac dinh béi
EB+EC—EA=0. (E la diém tht tu ctia hinh binh hanh ABEC ).
- —\2 —_ —\2 _ —\2

Ta c6: MB? +MC? — MA* = (ME+EB) +(ME+EC) —(ME+EA)
= ME? + EB* + EC* — EA*

—_ —\2 —_— —
= ME* + EB* + EC? —(EB+EC) = ME® -2EB.EC = ME* —2AB.AC = ME*. Vay ME*>=0.
Nén tap hop diém M 1a diém E .

( Cach ching minh trén phuc vu cho cé tam giac ABC 1a tam giac thuong va khi d6 cac tap
hop diém 1a khac nhau )

Email: thachtv.tc3@nghean.edu.vn

Céu 257: Cho tam giadc ABC vudng can tai 4 co AB=5cm. Goi (S) 1a tap hop cac diém M trong mat

phang théa méan hé thirc: MAMB+MAMC =25. Goi I 1a trung diém cia BC. Két luan nao
sau day dang?
A. (S) la duong thang trung tryc ctia doan thang A7 .

B. (S) la doan thang A/ .
C. (8) 1a duong tron cb dinh ban kinh R =

sf
4
sf

D. (S) la duong tron tdm / ban kinh R =

(Ho va tén tac gia: T rgnh Van Thach, FB: www.facebook.com/thachtv.tc3)

Loi giai
Chon C
C
<
I
D

A "B

5V2

Tu gia thiét: MAMB + MAMC =—= > %(MAZ+MBz—ABZ)+%(MA2+MC2—AC2):25

< 2MA* + MB* + MC?* =50+ 50 < 2MA* + MB* + MC?* =100

Goi D la diém théa man 2DA+ DB+ DC =0=>2DA+2DI =0= DA+ DI =0
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= D la trung diém cua doan thang A7

Ta cd 2MA* + MB* + MC? = AMD?* + 2DA* + DB* + DC?

2 2
Va DA:%AI:%BCzﬂ, DB = DC =+IB* + ID? =\/(¥J J{ﬂj = /12?5

4 4

Suy ra

2 2
2MA* + MB* + MC* = 4MD* +2DA* + DB* + DC* = 4MD? +2.(¥J +2.(, /12?5} =4MD’? +§

Ta c6 két qua: 4MD? +§ =100 = MD* = %

510

Nhu vay (S) 1a duong tron tim D ban kinh R = 5

Céu 258: Cho tam giac déu ABC canh a . Tap hop cic diém M thoa min dang thic
2

AMA® + MB*> + MC® = 5% nam trén mot dudng tron (C) c6 ban kinh la:

a a a~'3 a
A, —. B. —. C. . D. —.
NE) 4 2 — J6
Loi giai
Chon D

Goi M lan luot 13 trung diém cua BC.
Goi I 1a diém théa man didu kién: 414+ IB+IC =0
Khi @0, ta co: 414+ 1B+1C=0

< A4IA+2IM =0 <:>3]71+A7\/7=6<:>ﬂ=%ﬂ/7.

Suy ra: IA=$;IB=[C= M2+ BM? _a 621‘

2
Ta lai co: 4MA* + MB* + MC* = 5%

0 —n ——> 547
< 4MA +MB +MC :T

2

@4(M+H)2+(M+E)2 +(W+E‘)2 =5%
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2
= 6MI> +2M1(41A+1B+1C)+41A2 +IB2+IC? :5%

oM=L

NG

Vay tap hop diém M 1a duong tron tam / ban kinh R = % .
Cau 259: Cho AABC . Tim tap hop cac diém M sao cho: ‘]\_/[;1 +3MB - 2]\_/[6‘ = ‘2]\_4;1 —MB-MC|.
A. Tap hop cac diém M 1a mot duong tron.
B. T4p hop ctia cic diém M 1a mot dudng thang.
C. Tap hop cac diém M 1a tap rdng.
D. Tap hop cac diém M chi 1a mot diém tring véi 4.
Loi giai

Chon A

A N C

Goi [ 13 diém thoéa man I4+3IB—-2IC =0.

MA +3MB ~ 2MC| =[2MA ~ MB - MC| < [2MI + T4+ 318~ 2IC| =B+ Ci| (1).
Goi N 1a trung diém BC. Ta duge: (1) <> 2|Mi|=2|-AN| < IM = 4N .

I, A, N cb dinh nén tap hop cac diém M 1a dudng tron tim I, ban kinh AN .
Ciu 260: Cho tam giac déu ABC canh a . Tap hop cac diém M thoa min dang thirc

2

4MA® + MB* + MC? = 5% ndm trén mot dudng tron (C) c6 ban kinh 1a:

B C. #

a a a
A. R > D. R
Loi gidi
Chon D
Goi M lan luot 14 trung diém ciia BC .
Goi I l1a diém théa man diéu kién: 414+ [B+1C =0

Khi o, ta co: 4IA+IB+1C =0
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o 4TA+2IM =0 @3H+W=6©ﬂ:§m.

Suy ra: [A:a;/g;[B:[C:«/[M2+BM2 _4a 621‘

2
Ta lai co: 4MA> + MB® + MC? = 5%

— ——2 — 54°
< 4MA +MB + MC :T

2

< (M + ) +(Mi + IB) +(Mi + IC) =23

2
& 6MI> +2M1(41A +IB+1C)+41A2 +IB2+IC? =5%

e Mmr=-L

NG

a

Vay tap hop diém M 1a duong tron tim / ban kinh R = N

Ho va tén tac gia: Vii Thi Nga Tén FB: Linh Nga
Email: linhnga.tvb@gmail.com

Ciu 261: Cho aABC déu, c6 canh biang a. Khi d6 tap hop nhimg diém M sao cho

2

| IS}

MA.MB+MB.MC +MC.MA = . la:
A. Dudng tron ¢ ban kinh R = %
B. Buong tron c6 ban kinh R = %.
C. Puong tron c6 ban kinh R = g.
D. Dudng tron c6 ban kinh R = "f .

Loi giai
Chgn C
Goi G latrong tim aABC. Suy ra G la tim duong tron ngoai tiép a4BC va G cb dinh.

Ta c6 MA+ MB+MC =3MG
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2 —\2

:>(MA+MB+MC) =9(MG)
= MA> + MB> + MC? + 2(]\74.]\?3 + MB.MC +WJ\T4) =9MG?
Ma MA> + MB> + MC? = MA_ + MB_ + MC_

- —\2 - —\2 S —\2
=(MG+GA) +(MG+GB) +(MG+GC)
=3MG? + GA> + GB® + GC> +2.M—G.(@+G—B+G—C)
=3MG* +GA*> + GB*> + GC* +2.MG.0

=3MG* +3GA4*
2
—3MG? +3(3.&j
372
=3MG?* +a?

Ta c6 3MG? +d> + 2(@1.1\73 +MBMC + M—C.m) — OMG>

. 2

- (MA.MB + MBMC + A?Z‘.MZ) —3MG? —%

2 2
SN YV (e
6 2

:>MG2=2—a2
9

a2

Vay tap hop diém M la duong tron tim G ban kinh R = =
Ho va tén tic gii: Té Quoc An Tén FB: Té Quéc An
Email: antq4949@gmail.com

Céu 262: Cho ABC tim tap hop diém M : MB.MC = AM*
Loi giai

Goi [ 1a trung diém ctia BC , ta co: MB.MC = AM? @(ﬁ+ﬁ).(ﬁ+ﬁ):MAz

2
& MI* +ICIB + M](]C + JB) - MA> & MI? - MA* =—TC. 1B = 2C
2 2
N (M[—MA)(M1+MA) B¢ AJ(M1+MA) _BC
Goi O la trung diém ctia A7 , suy ra: MI + MA =2MO
C? BC? BC?

= 401.MO =

Suy ra: (*) QZA—[.sz < Ol.OM =— e
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2 2

BC oy Of0H =-2€
16 1

Trén tia d6i cua tia Of 13y diém H sao cho OI.OH = , suy ra
diém H xac dinh duy nhat.

Dung dudng thing A di qua H va vudng goc véi OI , khi 6 voi moi diém M nam trén A
ta co:

—_— e —

O1.OM = 01.(@1’ + W) —OI.OH +OI. HM = Ol.OH = —

BC?
16

Vay tap hop diém M 1a duong thing A

Email: Bichhail 975@gmail.com

Céu 263: Cho tam giac déu 4BC canh bang 3. Biét rang tip hop cic diém M thoa méan dang thirc
2MA+3MB + 4ATC‘ = ‘m —M‘ 1a dudng tron ¢ dinh ¢6 ban kinh bang;
1

C.E. D. —.
2 2

(Ho tén: Lé Thi Bich Hai, Tén face: Bich Hai Le)

Al B L
3
Loi giai
Ho tén: Lé Thi Bich Hai. Tén face: Bich Hai Le
Chon B
Goi G la trong tdm cua tam giac ABC.
Ta ¢& 2MA+3MB +4MC =2(MI +IA)+3(MI + IB ) +4(MI + IC).
Chon diém 7 sao cho 2/d+3IB+4IC =0 < 3(I4+ 1B +IC)+IC~IA =0,
Ma G la trong tim cua tam giac ABC = IA+ IB+IC =31G.
Khi d6 9IG+IC—IA=0<91G+ Al +IC=0<91G=CA (*).
Do d6 [2MA + 3MB + 4MC| = |MB ~ MA| < |9MI + 2Td + 31B + 4IC| = [4B| < OMI = 4B.
Vi I 1a diém cb dinh thoa man (*) nén tap hop cac diém M can tim la duong tron tim /, ban
AB 1

kinh r =—=—.
9 3

thonggna@gmail.com

Ciu 264: Cho tam giac ABC c¢6 1a trong tdm G . Tim tip hop diém M théa man
e N2 e N2 e 2
(MA+MB - MC +BC) +(MA+MC-3MG) =(CB+ACY) .
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A. Puong tron duong kinh 4B . B. Dudng trung tryc doan thing 4B .
C. Puong tron duong kinh AC . D. Puong trung truc doan thang AC .
(Ho va tén tic gia: Tran Vin Thong, Tén FB: Trin Thong)

Loi giai
Chon A
Ta 6 MA+MB—MC + BC = MA+CB+BC =MA.
Goi diém I 1a trung diém canh AC.
Ta o6 MA+MC ~3MG =2MI ~3MG =2(MB+BI ) -3(MB + BG|

:—m+2§j—3%§:—m.

_ —_ N —\2 —_ N —\2 _— —\2
Do d6 (MA+MB—MC+BC) +(MA+MC—3MG) =(CB+AC)
o MA +(_m)2 — AB® < MA® + MB® = AB®,

Tir d6 suy ra tam giac MAB vudng tai M hay tap hop cic diém M la duong tron dudng kinh
AB .

Ciu 265: Cho doan thang 4B =+/5. Biét rang tap hop diém M théoa mian MA®> + MB* = 3MAMB 1a
mdt duong tron co6 ban kinh R . Tim gia tri cua R .

5 NG 3

A. R==. B. R="—. C.R=>. D. R=—.

2 2 2 2
(Ho va tén tic gia: Tran Vin Thong, Tén FB: Trin Thong)

Loi giai
Chgn A
Ta c6 MA* + MB? =3MAMB < MA* + MB* - 2MA.MB = MA.MB
_— —\2 —_— RN —

N (MA —MB) = MAMB < AB* = MAMB.

Goi diém 7 1a trung diém canh AB .

Tacod AB’ = MAMB < AB* = (]\7[+f4).(ﬁ1+173) < AB* = (]\7[+171)(W—f4)

< AB* = MI* — IB* < MI* = AB* + IB*> < MI? :§AB2

@MI:—SABzﬁ.\/_=§.
2 2 2

Vay tap hop diém M thoa man MA” + MB* = 3MA.MB la duong tron tam / c¢6 ban kinh

R=2.

2
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Hyp va tén: Vé Khdanh Huyén Vin Fb: Vin Vi

Email: huyenvanqt050185@gmail.com

Ciu 266: Cho tam giac ABC, c¢6 bao nhiéu diém M thoa MA+MB+MC|=52

A. 1. B. 2.

C. vo sb. D. Khong c6 diém nao.
Loi gidi.

Chgn C

Goi G latrong tAm cua tam giac ABC, ta c6 MA+MB+MC =3MG .

Thay vao ta dugc: MZ+ME+ME\ =5 ‘3@6‘ =5 MG= %, hay tap hop cac diém M la
. : 5

duong tron ¢6 tim la trong tdm cta tam gidc ABC va ban kinh bang 3

VAN PE 4. TI LE
Ho va Tén: Tran Quoc Pai

Email: quocdail987@gmail.com

Facebook: https://www.facebook.com/tqd1671987

Cau 267: Cho 44BC ¢3AB=3,AC=4 phan giac trong AD cua goc BAC ¢4t trung tuyén BM tai [

.TinhA—D.
Al
AAD_3 g AP _10 c. AP _29 p. AP _7
Al 2 - Al 7 Al 20 I 5
Loi giai
Chon B

* Phan tich E,E theo cdc vecto E,R‘ .

B AB 3

Taco: —=-——=> =2IB+3IM =0 =24B+34M =541(1).
IM AM 2
DB _AB _3 _ 4DB+3DC=0
DC AC 4
I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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= 44B+34C =74D(2).

Lay (2)-2.(1)= suyra: 34C —6AM =7AD -104] =7AD-104I =0 = 74D =104I
AD 10
=>—=—.
Al 7
Ciu 268: [Dé thi olympic 30/4 TPHCM khéi khong chuyén lan 2 ] Cho A4ABC goi diém D nam trén
canh BC sao cho BD=2BC, E la trung diém ctia AD . Mot dudng thang bat ki qua £ va cit

cac canh AB; AC lan luot tai M, N . Tinh ti sb £+2A—C
AM AN
A AB HAC ¢ g AB ,AC s
AM AN AM AN
c. 4B  ,4C 28 o 4B ,4C 20
AM AN 5 AM T AN 5
Loi giai
Chgn A
A
N
M,
B D C

Do M nim trén canh AB nénta cd AB =k.AM (k>1)

Do N nim trén canh AC néntacéd AC =[AN (I>1)

Ta ¢ DB =-2DC = AB~ AD =-2(AC~ AD)=> AB+2A4C =34D
Suy ra k.muz.ﬁv=6.ATE:>k(ATE+Wz)+21(E+ﬁv)=6E
Suy ra (k+2/—6) AE =~k EM —2IEN

Do hai vecto AE va MN khong cung phuong nén suy ra

k+2l—6:0<:>k+2l:6<:>£+2‘4—c:6
AM AN

Ho va tén tic gia: P6 Vin Pirc Tén FB: D6 Viin Pirc

Email: hoctoancunganhduc@gmail.com
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Ciu 269: Cho tam giac ABC . Trén canh 4B lay diém D sao cho 4D =2DB  Trén canh AC lay diém
E sao cho CE=3EA. Goi M 1a trung diém cua DE . Tia AM cit BC tai N . Ti sb % co

gia tri la:
AL B.2. cl D. 2.
4 8 2 7
Loi giai
Chon B
A
E
M
D
B N c

Gid sit N chia BC theo ti s6 x. Ta c6: AN = A2—~¥AC _ 1

AB+—XAC (1),
1—x 1-x x—1

Lai cé: AM =+ (AD+4E)=+( 2 4B+~ 4C |- 2 4B+ 4C ().
2 23 4 3 8

Vi AM va AN 1a2 vecto cung phuong nén %:8—)61<:>x:—§.

Dodé NB=—-NC =B _3
8 NC 8

Céu 270: (Bdi todn téng qudt cia bai todn 1). Cho tam giac ABC . Goi I 1a diém chia BC theo ti sb k.

Trén cac tia AB va AC léy cac diém M,N. AI cit MN tai P. Dat ﬁ:b, A—C:c. Ty
AM AN
sb ﬂ co gia tri ban
1P gla tri g
. b+kc' B. b—kc' C. c+kb' D. c—kb.
1+ - 1-k 1+k 1-k

Loi giai

Chon B
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A

m—xﬁ_ 1 4B x AC

Gia st P chia MN theo ti s§ x. Ta ¢ AP = —t —
1-x I-x b x-1 ¢
LaicézﬁzAB‘kAcz 4Bk ¢ (1).
1-k 1-k k-1

— - k-1

Vi AP va AI dong phuong nén 1 -k :x( ) @lzl o x=k<.
b(l—x) kc(x—l) b ke

. 1 — k —

Do d6 AP = AB - AC (2).
b—kc b—kc

Tir (1) va (2), tace AL b=k
AP 1-k

Céu 271: (Hé quad hay ding ciia bdi todn 2). Cho tam gidc ABC. Goi I 1a trung diém ctia BC. Trén cic

tia AB va AC léy cac diém M,N. AI ciat MN tai P. Dat ﬂ:b, ﬂzc. Ty sb ﬂ cod
AM AN AP
gié tri bang
2 2
A. e . B. 2t¢ c. |rre p. 2b¢ |
2 2 b+c

Loi giai
Chon B
I 1a trung diém ciia BC nén I chia BC theo ty s6 k =—1. Ap dung két qua & bai 2, ta cé:

ﬂzb—(—l)c:b+c
AP 1-(-1) 2

Tén: Nam Phuong Tén FB: Nam Phuong

Email:nguyentrietphuong@gmail.com
3 . — 2 ] —
Cau 272: Cho tam giac ABC. Goi D,E lan lugt 1a cac cac diém théa man BD=§BC,AE=ZAC.

o . " . . AD
Diém K trén doan thang AD sao cho ba diém B,K,E thidng hang. Tim ti s0 K
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4D _1 4D _, c. AD_2 p. AD_3

T AK 3 = 4K T AK 3 TAK 2
Loi giai

Chon B

Vi AE = L AC nén BE=LBC+>Bi
4 4 4

ﬁ(zx@:ﬁ(zxﬁJr(l—x)ﬂ oy -
Giasuy__ o2__ = BK=—BC+(1-x)BA
BD=—BC 3
3
m 2x 8
o o —_——_—— m:§
Do B,K,E thang hang ta c6: mBK = BE = 43 =
3m 1
l-x—=0 xX=—
4 3
Vay£:3
AK

Email: haivanxinh99@gmail.com Face Hai Van

Cau 273: Cho tir gidic ABCD c6 hai duong chéo cit nhau tai O thoa min OC =-304, OD = -408B .

Qua trung diém M cta AB dung duong thang MO cat CD tai N . Tinh ti s6 %

A B. L. c.z D. L.
4 4 3 3
Loi giai
Chgn A
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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D
A

A

B

Ta ¢6 OC =-304, OD = -40B

Bt >k, k>0, a6 CN = kND = CO-+ON = k(NG +0D)

—~ON-—L¢o-—* 0Dp=oN--—_0i-* 03
1+k k+1 1+k k+1

Vi OM, ON cing phuong nén c6 sb thuc k sao cho ON =kOM = Wz%(@Jr@)

6 8k k=
Suy ra — =— ):>

3
k(1+k)  k(k+1 4

3
4 :>k=4
k=-1

(Email): hatoanlgm@gmail.com

Cau 274: Cho tam giac 4BC va diém I thoa man 23/4+8IB+2018/C =0 pyong thing Al cit duong

théng BC tai J . Gia tri cta ti s6 % la:

A2 . 2018 c. 2018 p. %
8 23 8 23
Loi giai
Chgn C

(Ho va tén tac gia: Ngo Ngoc Ha, Tén FB: Ngo Ngoc Ha)

AB—

Gia st JB=kJC (k#1) :ﬂ:ﬁ %AC.

Tir gia thiét suy ra:

8 E+2018ﬁ

—23Z+8(A73—E)+2018(/TC—E):6 @E=2049 040 A€

Do A,1,J thing hang nén AI, AJ cing phuong

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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bk

-k __1-k __2018
=g ~208 Sk

2049 2049

Gmail: Binh.thpthauloc2(@gmail.com

Ciu 275: Cho tam giac ABC . Piém K chia trung tuyén 4D theo ty s6 3:1 ké tir dinh.

, . S .
Duong thing BK chia dién tich tam gidc ABC theo ty s0 k =—22- | gi4 tri cia k bang?
BCF

A k=2 B. k=2 C.k=> D. k=2
8 8 5 2
Loi giai
Pap an D
A
E
K \
e v e
Do D latrung diém ctua BC thiét: Ez%(@+%) (1)
Goi F 1a giao diém cta BK va AC.
Ma A; F;C thang hang: AF =mAC (2) B;K;F thang hang:
Eznﬁ+(l—n)TB (3)
. KD 1 — 3—
A;K;D thénghéngva—z—:AKngD (4)
KA 3 4
T (2);(3)suy ra: ZI?zn.mEZ#(l—n)ZE (5)
. —— 3—= 3—
Tur (1);(4)suy ra: AK=§AC+§AB (6)
3 5
o mmn= g n= g
Do hai vécto AB; AC khong cung phuong nén tur (5);(6)ta co: 3 = 3
I-n=-— m=—
8 5

Do do6: ZF:EZE :ﬂ:g
5 FC 2
Vay k=S _ FA_3
' Sper FC 2

(Ho tén: Pham Vian Binh, tén FB: Pham vin Binh)
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ho va tén: Tang Laim Twong Vinh

Email: tanglamtuongvinh@gmail.com

Facebook: tanglamtuong.vinh

—_

Ciu 276: Cho tam gidc ABC v6i K 1a trung diém BC. Liy cac diém M,N théa mian AM =%E,
A_]\_;:%ZB Goi / 1a giao diém cia MN va AK . Dat Asz]\TV,A—j :yﬂ .Hoi £
Y

A. B.

[SSEEN

C. 1. D.

SN[V}
W |

Loi giai

Chon A

_— — — —_—

fhcéMN:AN—AM:%ZE—ZAB
|

M:xm@Z—W:x(EAC—%E)@Z:%Z&-%EJrW:%Z&%E

z:yﬁ:y(%}%rg%;@

3-3x_Y _9

= X ==
A T . . . , 4 2 13 5 3
Ma AC, AB 1a 2 vector khong cung phuong nén ta co S =X=2
x_Y yob V2

32 13

Gmail: Binh.thpthauloc2@gmail.com

. , . AD 3
Cau 277: Cho tam giac ABC . Trén canh AB lay diém D, trén canh BC lay E, F sao cho _:E;
BE 1 BF 4 . . KD .
— =— ——=—. buong thang AE chia doan DF’ theo ty s6 —— =k . Gia tri cua k bang?
EC 3,FC 1 KF
aied pi-l crd pald

1 3 14 14
I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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Loi giai
Pap an A
. AD _— —_— BE 1 — — 1 —
Theo gia thiét: 22 = = 4D => 4B (1)—=—:>AE=§AB+—AC (2)
DB 2 5 EC 3 4 4
BE A ar=-LaB+2ac (3
FC 1 5 5

Ma 4;K;E thang hang: AK =mAE (4) D;K; F thang hang:
Z(znﬁ+(l—n)@ (5)

Tur (2);(4) suy ra: Rz%mﬂ?+%mz’ (6)
‘ e (1 4 3
Tur (1);(3);(5) suy ra: AKzn[gAB+§AC}+(1—n)§AB

:R{L%Fmﬂ% (7)
5 5 5

Do hai vécto E,% khong cung phuong nén tur (6);(7) ta co:

1 2n 4n 3
———=—on==
5 15 5 14
Véyﬁ(ziﬂ'}+£@ 3@:](:3
14 14 KF 11

(Ho tén: Pham Van Binh, tén FB: Pham vin Binh)

Ho va tén: Hoang Ngoc Lam

Email: hoangngoclammathl112@gmail.com

Facebook: Hoang Ngoc Lam
Cau 278: Cho tam giac ABC. Kéo dai 4B mot doan BE = AB, goi F la trung diém cua AC. V& hinh

binh hanh EAFG . BPuong thang AG cat BC tai K. Tinh ti s0 E?

B. C

=
\I.I \S)

l
‘3
Loi giai

A.

NI
0| W

Chon A

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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G

bé xac dinh giao diém K cia AG va BC, ta tinh AG theo AB va AC.

Ta c6: Zé:ZE+Zﬁ=22§+%Z@.
AG cét BC tai diém K ma 2E9+%K—c=6.

KB 1
Suyra —=—.
KC 4

Céau 279: Cho tam giac ABC ¢y AB=3 AC=4_ phan giac trong AD cua gbc BAC o4t trung tuyén

BM tai I . Tinh ti sd A—D
Al

Al B U c. p.2
8 6 - 7 5
(Ho va tén tic gia: Nguyén Thi Phwong Théo, Tén FB: Nguyén Thi Phuwong Thdo)
Loi giai
Chgn C
. IB  AB — o =
Theo tinh chat duong phan gidc tac6 —=——= 3 = 2IB+3IM =0
IM AM 2
2 28 _AB 3 4DE+3DC =0
DC AC 4
I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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Vaytacoqy _ . .
4DB+3DC =0

/1))
Suy ra 3AC—6AM =7AD 1041 & 7AD—-1041 =0 =="=—".

Hodc ta c6 thé giai nhu sau:

, 8D _AB E:>BD=%DC=

AW

2IB+3IM =0 2AB+3AM =541
<~y . .
4AB+3AC =7A4D

{4Z§+6W:102}
=

4AB+3AC =7A4D

7

(BC-BD) @ZBDziBC = BD =%B_C"

Ta lai c6 ZE:ZE+§5:Z§+%§6=ZE+%(ZE—Z§):§E+%Z€_

; . . BI
Theo tinh chat phan giac, ta lai c6 — =

AB 3
- ==
M AM 2

BI:%W<:>2§=3W

& 2(BA+ 1) =3(TA+ 40T ) < ST =24+ 34M =245+ AC

S Ai=2aBs 2 ac="%aB+ 3 ac
5 10 10\ 7 7
AD 1
Véy—=—0-
Al 7

Hoy va tén tic gia: Nguyén Vin Toan Tén FB: Diu Vét Hit

Email: nguyenvantoannbk@gmail.com Nho thdy cé gop y!

Cau 280: Cho hinh binh hanh 4ABCD, O la diém bat ki trén doan AC, dudong thang BO cat canh CD

tai £ va duong thang AD tai F sao cho EF =2BO. Ty s6 j—g béng

1+\/§

A. . B.2.
2

Chon C

C.1+42. D.

N | i

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Dit: AF =xAD (x>1) vi 4A0=yAC (0<y<l).

DE DF DE DF

—>DE=-—4B.

Theo dinh 1y talet: — = —
CE

BC DC  AF

X

Taco: BO=BA+yAC =(y~1)AB + yAD; EF = DF - DE = (x~1) AD-*— 4B.

Theo d& bai: EF =2BO——{1—x

X

Ho va Tén : Nguyén Vin Manh FB : Nguyén Vin Manh

Email : manhluonghl4@gmail.com

Cu 281: Cho hai tam gisc ABC va 4B, gof 4B

BCA, CAB,, ABC, G,G,,G,

. Goi

. GG .
ABC; Tinh ti s6 L ta dugc két qua :
GG,
AL B. 1
3 2
Chon C

Vi G, G, la trong tam tam giac ABC, A B,C

2 lan luot 13 trong tAm cic tam giac

0

C, lan luot 1a trong tdm cac tam giac

ABC, ABC,

| suy ra 3G—G1':G—A;+G—B])+G—C])

& 3GG, =GA+GB+GC + AA + BB, + CC, < 3GG, = AA + BB, +CC,

Tuong ty G, G, 1a trong tdm tam gidc ABC, A,B,C, suyra 3GG, = GA, + GB, + GC,

< 3GG, = AA + BB, + CC,

Mat khic A4, + BB, + CC, = (A4 + BB, +CC, )+ (A4 + BB, + C,C, )

Ma A, B,,C, 1an luot 13 trong tAm céc tam gidc BCA,, CAB,, ABC,

Suyra 3( A4, + BB, + C,C, )= AB+ AC + BC + BA+C,A+CB

—_— —  — — —— —— —

_— — —

—AA+AB+AA+AC+BB—|—BC+BB+BA+CC+CA+CC+CB

= —2( 44, + BB, + CC;

Do d6 A4 + BB, +CC, :%Q(AAI 1 BB, +CC, )+ A4 + BB, + CC,

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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GG,

Go =3

:%(AAl + BB, +CC, ). Vay G_GZZ%E@:»

VAN DE 5. MIN,MAX
Email: phunghang10ph5s@gmail.com

Ciu 282: Cho A4BC déu canh bang 3, M 1a diém thudc duong tron ngoai tiép A4BC . Pit
P=MA>— MB*> — MC?. Goi a, b 1an luot 1 gia tri 16n nhit, gia tri nho nhit cua P . Khi do,
gia tri biéu thic T =4a +b la:

A. 3. B. 6. C.9. D. 12.
Loi giai
Hy va tén tic gia: Phung Hang Tén FB: Phing Hing

Chon B.

Goi O, R lan luot 12 tim va ban kinh caa duong tron ngoai tiép AABC . Ta co:
P = MA> — MB* — MC?
- —\2 N 2 RN —\2
- (M0+ OA) —(MO +OB) —(M0+ oc)
— MO +2.A70'.(@—@—R‘)+0A2 —0B*—0C?
— 2R’ +2.M_0’.(@—0_A") — 2R’ 42MO0.204

= 2R>—4.0M.OA= 2R —4R2.c0s(0—1\'1;5'4)

P, =—6R’ khi va chi khi cos (W,@) =1< M trung A4
P, =2R? khi va chi khi cos(OW;@) — 1o M tring A' 13 didm déi ximg cia 4 qua O
=T =4a+b=42R"+(—-6R)=2R’

AABC dducanhbing3 = R=~3=T=2R>=6.
Ho va tén tic gid: Tran Viin Ngo Tén FB: Tran Van Ngo Tth

Email: vanngodhgqn@gmail.com
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Ciu 283: Cho A4BC va 3 s6 duong x, y, z thay ddi c6 tong binh phuong: x* +y*+z* =k?, ke R. Gia

tri 16n nhat ctia P = xy cos C + yz cos A+ zxcosB 1a:

2 2
A.E. E.k—. C.E. D.k—.
2 2 3 3
Loi giai
Chon B.

bat 3 vecto ﬁ, E/, AZ tuong ung la ;c, ;, z nhu hinh v&.
- = 2 - —— -
Ta co: (x+y+z) >0 X’ +y +22+2xy+2yz+2x22>0

& k* +2xycos(180° = C)+2yzcos (180" — 4) +2xzcos (180" — B) > 0

k2
< k% —2xycos C —2yz cosA—2zxcosB > 0 <> xycosC+ yzcosA+ zxcosB < 5

2

Vay Max P= %

Cau 284: Cho hai diém A,B<(1;6) va M€(1;3), théa man : AIB = 60°. Khi 4,B,.M thay d6i tim gia

tri nho nhit cua biéu thie P=MA+2MB

A.9. B. 3+26. C. 313 D. 6-+/3.
( Ho va tén tdac gia : Dang Mo- Tuw Duy Mo )

Loi giai

A FA PO — N ’ r "~ A ’ - V| — u | —
Bo dé : Cho hai véc to u va v khac vécto 0 ,taludncod: |u —v |:|H.u —H.v |
u v

Chirng minh : Binh phuong v hudng vé phai ta duoc :

['%5‘%; qz {%*J {%*j —2.%5.%.5:(5)2 () 2 =( )

T dosuyra: ||;||.J—%.\7 |=| ;—\7| (dpcm).
u v

Ap dung vao bai toan cin bang hé so : Chung ta c6 thé ghi nhd cong thue dé 4p dung nhanh
vao céac bai todn can bang hé s6 doi voi dudng tron va mat cau nhu sau :

Taco: P=MA+2MB=|IA—IM |+2|IB—IM | va IA=IB=6, IM =3
Trong do : |ﬁ—1ﬂ|=|ﬁm—%ﬂ|=|2M—1171|=2|W—1171|

IM A 2 4
Suyra: P=2|TM’—iﬁ|+z|7§—7M|22|7M—iﬁ+7§—fﬂ|=|2fz§—%ﬁ|
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Co:

2
( | 2@-%31 |j = 41B* +ilA2 —2IA.IB.cos 60° = 4.6 +%.62 —2.6.6% =117 - 2@—%31 =313

Suy ra gié tri nho nhat ciia biéu thuc P 1a P, =313 — chen dap 4n C.

in

Ciu 285: Cho tt giac ABCD , M 1a diém tiy y va cac diém 7, J, K c¢6 dinh sao cho ding thic théa man
v6i moi diém M: MA + MB + MC +3MD = kMK. Gié tri ciak la
A. k=3 B.k=4 C. k=5 D.k=6
Loi giai

Chon D

Vi MA+ MB + MC +3MD = kMK théa man v4i moi M.

Do d6, dang thirc ciing ding véi M =K
Tac 1a: KA+ KB+ KC +3KD=kKK =0
Goi G la trong tim AABC = KA+ KB + KC =3KG

—3KG+3KD=0=K la trung diém GD.

Mat khac:

MA+ MB +MC +3MD =(MK + KA)+ (MK + KB) + (MK + KC) + 3(MK + KD)

=(KA+ KB+ KC +3KD) + 6MK
= 6MK
=k=6

Cau 286: Cho tam giac ABC vudng tai A. Goi « 1a goc gitta hai duong trung tuyén BD va CK. Gia
tri nho nhét ciia cosar bang

4 5 4 3
A — B. = C.— D. =
5 4 3 4
Loi giai
Chon A
— — |\LBi+B6). LCi+CB
[BDCK| |, (BA+BC)-, (CA+CB)
Taco: cosa = =

BDCK BD.CK

i _—— — — —  ——
[BACA + BACE+ BC.CA+ BC.CB)| |BACA+BC(CA-BA)~BC)
- 4.BD.CK - 4.BD.CK
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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C2
4BD.CK 2.BD.CK

= = (Vi tam gidc ABC vuong tai 4 nén BA.CA=0)

Mat khac,
Cauchy 2 ) 5 5 5 ,
2 BDCK 2 Bp? + K2 | AB_+BC _AC" ) [AC +BC  AB
2 2 5 5
_per 4 ABHAC _ pon BCT_5BC
4 4
C* 4
Suy ra, cosa > ==
SBC s
4

Dau “=" xay ra khi va chi khi BD = CK hay A4BC vudng can tai A

Céu 287: Cho hai diém ¢ dinh G va G' 1a trong tim cua tam giac 4BC va tam giac A'B'C". Gia tri
nho nhat cia biéu thixc P = AA'+ BB'+ CC' bang
1

A. GG' B. 3GG' C. 2GG' D. EGG'
Loi gidi
Chon B
Do G va G' 1a trong tim AABC,AA'B'C' nén GA+GB+GC=0 va
G'A'+G'B'+G'C'=0.

Ta co:

AA'+BB'+CC'=(AG+GG'+G'A) +(BG+GG'+G'B) +(CG+ GG+ G'CY

=3GG'+(GA+GB+GC)+(G'A'+G'B'+G'C)

=3GG'

Mit khic, P = AA'+ BB'+ CC'=‘AA"+‘BB"+‘CC" Z‘AA'+BB'+CC'

=3‘G—G"=3GG'

Déu “=" xay ra khi va chi khi 44", BB', CC"' cung huéng

Ho va tén: Nguyén Dirc Hoach — email: nguyenhoach95@gmail.com

Mail: nguyennga82nvc@gmail.com
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FB: Nguyén Nga Nvc

_ _ N A D _ b A _ 0
Ciu 288: Cho hinh thang ABC,D, o AB,//CD,, AB, =3a,C,D, =2a,DAB, =CBA =60 Vi
mdi diém G, di dong trén canh 4,5, ta xac dinh diém £y sao cho GhH=GC +GD, . Tim

d6 dai nhé nhit cia G111,

A. 2a. B. aV3. C. 3“2*/5. D. 37‘1

Loi giai

Chon B

Aq G.H, B,

Goi Z = A,B,NC,D,, tlr gia thiét suy ra tam gidc Z4,B, déu canh 3a. Goi H,,1, lan luot la

trung diém cta A4,B,,C,D,, suy ra H,,I, ¢ dinh va H I, = %ZHI = #

Tir gia thiét ta c6 ti giac G,D,F,C, 1a hinh binh hanh, nén G,F, =2G,I, >2H,I, = a3
Vay do dai nho nhit ciia G, F, bang a3 .

Nguyén Vin Cong- Truong THPT Kinh Mén II

Gmail: nguyencongkm?2(@gmail.com

Céau 289: Cho tam giac ABC vuong 6 A; BC=2; CA=b; AB=cva diém M di dong
Biéu thic F= -8MA’ + b*MB” +¢*MC” dat gia tri 16n nhét bang

A

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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A.4 B. 12 C.16 D. 24
Loi giai

Xét diém I théa man: —8IA +b2IB+¢*IC=0 (1)

( Dung duong cao AH, dung I sao cho A 1a trung diém IH; I thoa (1))
Binh phuong hai vé cua (1) cha ¥ rang

2IAIB=1A’ +IB* - AB’;

2IBIC = IB* +IC? — BC?
2ICIA = IC* +1IA% — AC?

r0i bién ddi ta duge két qua —8.JA +b’.IB*> +c>.IC* =3b’c>.
F=-8MA2 +b*MB? +c*MC? =—8MA_ +b’MB +c*MC

= —8(MI+IA)? + b*(MI+IB)* + ¢*(MI +1C)>
= —4MI* —8.IA* + b*IB? + ¢*IC? = —4MI* + 3b*c?

2 2\2
s3b2czs3[b ;C J ~12

Ho va tén tac gia: Vi Vién Tén FB: Vi Vién
Email: tieplen@gmail.com
Cau 290: Cho 4BC @éu co canh bang 2a, Goi d 13 duodng thang qua A4 va song song BC, diém M di
dong trén d . Tim gi4 tri nho nhét cua |m +2MB - MC | .
A. 2a\3. B. a\3. C.&. D.&.
4 2
Loi gidi

M A

Chon B.

Xét diém I sao cho: IA+2IB—IC =0 <:>H+2(H+E)—E=()

& 2I4+2AB—AC=0 < 2[4+ AB+CB=0
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=N = BK (v6i K la trung diém AC).

= [ 14 diém thir 4 ctia hinh binh hanh A/BK .

Ta co: |A—/[171+2A_/[l§—]\—/[€‘| = ‘(M+H)+2(M+ﬁ)—(@+ﬁ)‘
‘2A’47+(ﬁ+271§—76)‘ =[2Mi|=2m1.

M ed = Min dat dugc khi LM 1 d . Khi do6:

MAI = MAB — IAB = 60° — ABK = 60°—30° = 30°

2IM =214 -sin30° = 2.BK -sin30° = 25in30°/(2a)’ —a’ = a/3 .
Ho va tén tac gia: Pham Khic Thanh

Email: phamkhacthanhkt@gmail.com

Cau 291: Trong mat phéng cho tam giac ABC va mét diém M bét ky. Pat a=BC,b=CA, c= AB. Tim

gi4 tri nho nhit cua biéu thirc 7 = MA + M5B + Mc .
a b c
A. 343. B. 3. c.ﬁ. D.ﬁ.
3 2
Loi giai

Chon B.
Theo cong thire d6 dai dudng trung tuyén ta co:

b+’ +d?

23

4m’ =2(b2 +cz)—a2 :>2(b2 +cz+a2)=4m§ +3d’ 24\/§ama = am, <

Goi G la trong tdm cua tam giac ABC khi do:

MA _ MAGA zyA.GZA — 3{5 2(m+@)@:%ﬁz(m@+@42)
@ aGA 2B +c+d becta prrera

37 23
Tur d6 suy ra:

MA+MB+MC2 - 3{5 2[%.(@+@+G—C)+GA2+GBZ+GCZJ
a b c b +c +a

Lai c6 GA+GB+GC =0 va GA®> + GB> + GC? :%(a2+b2+cz)

Do d6 MA+MB+MCZ 5 3\?
a b c b'+c +a

5 {0+%(a2 +b*+c )} =3. Dang thirc xay ra khi tam
gidc ABC déu dong thoi M tring vdi trong tdm ciia tam giac ABC.
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Mail: thuytrangmn@gmail.com

Chu dé: Vecto.

Céu 292: Cho tam giac ABC co trung tuyén A4' L CC' (A'eBC,C"eAB). Tim gi4 tri nho nhit cua

cos B.
AL B.2. C.1. p. L
5 5 2
Loi giai:
Chon. A
A
C G

Déti?zd, BA=¢ taco:

— 1 S

AA'=—d—-¢ va CC'=

1.
—Cc—da
2

[\

Do AA4' L CC nén (15—5)(15—&):0
2 2
e 275 . 2(1_12 |- 4, -
— ac:g( 2+c2)=g(|a| +|c| )2g|a||c|
+Néu a¢ =0 thi cosB=1

ac

+ Néu ac # 0 thi cosB = >

. Déu dang thirc xay ra khi  |d| = |¢|

(L NEN

al.Je

Vay gia tri nho nhét cta cosB 1a % , dat dugc khi tam giac ABC can tai B.

Ho va tén tic gid: Vii Thi Hong Lé Tén FB: Hong Lé
Email: hongle.ad@wgmail.com

Céu 293: Cho tam giac ABC c¢6 cac canh AB = ¢, AC = b, BC = a. Tim diém M dé vecto
aMA+bMB +cMC ¢6 d6 dai nho nhit
A. M trung véi trong tam G cua tam giac ABC.
B. M tring v6i tAm duong tron ndi tiép I ctia tam giac ABC.
C. M trung véi tryc tdm H cua tam giac ABC.
D. M tring véi tam dudng tron ngoai tiép I ctia tam giac ABC.

Loi giai

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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Chon B.
A
B
D

C

Goi I 1a tAm dudng tron nodi tiép cua tam gidc ABC

Theo tinh chat phéan giac trong: DB _AB_c < DB=<.DC , ma hai vecto DC, DB nguoc

DC AC b b

huéng nén ta ¢6 5§:—%5@<:>b5§+c55=6<:>b(7]§—173)+c(7@—75)=6

hay bIB+cIC—(b+c)ID=0 (*)

Mitkhac 28 _¢ o PB__¢ ppo %
DC b BC b+c b+c

H_BA_elbxe) bre o (pic)p
ID BD ac a

Ma I4, 1D nguoc huéng nén ald =—(b+c)ID

Thay vao (*) ta co bIB+cIC +ald=0

Viay d6 dai cua aMA+bMB +cMC nhé nhat bang 0 khi M trung I
Ho va tén: Ngoé Gia Khanh

Dia chi mail: ngkhanh4283@gmail.com

Céu 294: Cho tam giac ABC la tam giic déu canh bang a,M 1a diém di dong trén dudng thang A C .

Khi d6, gid tri nho nhét cta bidu thic T = ‘m + MB + FC‘ +3|MA— MB + MC

2a\/§ 5a\/§

A MinT === B MinT = 2a\3.  C. MinT = a3.  D. MinT = -

Loi giai

la:

_— — — —

+, Goi G la trong tdm tam giac ABC , tacd: MA+ MB + MC = MG.

+, Dung hinh binh hanh ABCD, ta dugc:
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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BA=CD = MA— MB + MC = BA+ MC = CD + MC = MD
+,KhidéT:1\7A+%+%‘+3‘ﬂ+ﬁ-1\7€:3(MG+MD)23GD

( Vi G,D nam khac phia voi duong thang AC)

Dau bang xay ra khi M 1a giao diém ciia GD va dudng thang AC hay M 1a trung diém ctia AC

4 1ad3 2043

+Nhanxét GD = —BM = ——— =
3 3 2 3

Vay MinT = 2av3.
Email: vntip3@gmail.com

Cau 295: Cho A4BCyy A4'B'C' ¢4 cac trong tim G va G'cb dinh va GG'=a _ Khi d6 gié tri nho nhét

A.T=a. B. T =2a. C.T=3a. D. T =4a.
Loi giai

Chon C.

Ta co:

T=AA"+BB'+CC"

~AG+GG'+GA'+BG+GG'+GB'+CG ++GG'+GC'
=3GG"

Vay

T=AA'+BB'+CC'

:‘A_A‘HEB"'HC—C“"Z E@+BTB‘+C‘C‘":3‘G—G”‘=3GG'=3a

Gié tri nho nhét cua T 1a 3a khi AA", BB',CC" cung phuong.
(Ho va tén tac gia: Pham van Tai, Tén FB: TaiPhamVan)
Mail: thongbuil987@gmail.com

Cau 296: Cho tam giac ABC véi cac canh AB=x,AC=y; (x>y>0). Goi 4D la dudng phan giac

trong clia goc A . Biét biéu thi vecto AD =mAB+nAC . Tinh S=m+n.
A. §S=-2. B. §=0. C.S=1. D. S=2.
Loi giai

Chon C.

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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A

B* D C

Theo tinh chat dudong phan giac trong clia tam giac ta co
DB _AB x _DB
e ———

DC AC y DC y

X ¥ . 2 . A
=—— — diém D chia doan thang BC theo tis0 k = 2
y

AB+YAC .
Nén ta co: AD = Y =Y AB+— 1 AC S man=2TE 1.
1+ x+y xX+y x+y
y

Cau 297: Cho A4BC ¢y AB=3;AC=4 Phan giac trong 4D cta goc BAC cit trung tuyén BM tai [

. Biét A—D:E,V('ri a,beN va % t6i gian. Tinh S=a+2b,

A. S=10. B. S=14. C. S=24. D. §=27.
Loi giai:
Chon C.
A
M
1
B D C

Ta co: ﬁzA—Bzg = 2IB+3IM =0 = 2AB+34M =541 (1).

DB _AB 3 L 4DB+3DC=0= 44B+34C=74D(2).
DC AC 4
2AB+3AM =541  |44B+64M =104
Tu (l) va (2) tacohée s _ . _ &<
44AB+34AC=7AD 4AB+3A4AC=T7A4D
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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> 6AM —3AC =104l —-7AD = 7AD =104 = 7AD =104 :i—?:%

—a=10,b=7—>5=10+2.7=24
Ho va tén tic gii: Lé Hong Phi Tén FB: Lé Hong Phi
Email: lehongphivis@gmail.com

Cau 298: Cho t giac 4BCD ¢5 4D va BC cung vuéng goc voi 4B, AB=8 AD=a BC=b_ Goj
E 1a mot diém thudc canh CD Biét AEB= 90° gia tri 16n nhitctia 7 =ab 13
A. 4. B. 16. C. 8. D. 64.
Léi sidi
giai B b C
Chon B.
Vi E 12 mot diém thudc canh CDnén ton tai k € (O; 1) sao cho
. _. . 8 E
kEC+(1-k)ED=0.

Khi d6, kBC+(1-k)BD =BE va kAC+(1-k) AD = AE .

’ D
Suy ra 4 “

BE.AE =k*BC.AC +k(1-k)BC.AD +k(1-k) BD.AC + (1~ k)’ BD.AD
=sz—C(ﬂ?+B—C)+k(1—k)ab+k(1—k)(§4+ﬂ))(ﬁ+8—6‘)+(l—k)2(EHE)E
=k°0* +k(1-k)ab+k(1-k)(-8 +ab)+(1-k) a’
= (kb+(1-k)a) —64k(1-k).

)
— - k 1k
Do AEB=90° < BEAE =0 kb+(1-k)a=8 k(l—k)@,/ﬁbh/ —a=8.

Theo bét ding thitc Co-si ta co 8=, /%b-ﬁ- . /%a >2Jab < ab<16.

Ping thirc xay ra chang hankhi a=b=4va k=0,5.

Vay max7T =16.

Cau 299: Cho tir giac 4BCD ¢4 4D va BC cung vuéng goc v6i 4B, AB=h AD=a BC=b (Cho
k 1a sé thuc duong thude (0;1) va diém E thoéa mén kEé-i-(l-k)EZj =0. Tim hé thtrc lién hé
gitia @, b 1k dé goc AEB=90°7

A. (1-k)b+ka=hJk(1-k). B. kb+(1—k)a=hk(1-k).
C. kb+(1-k)a=hk(1-k). D. (1-k)b+ka = hk(1-k).
Loi giai T
Chon C.
H Tir kEC+(1-k)ED=0 suy ra . .
Véc to- Tich Vo Huéng - Chil y: San phdm chura qua phdn bién, moi g6p y xin giki email: Strorigvdc@gmyil.com
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kBC+(1-k)BD=BE va kAC+(1-k)AD = AE .

Khi d,

BE.AE =k*BC.AC +k(1~k)BC.AD +k(1-k) BD.AC + (1~ k)’ BD.AD
:kzﬁé(@+§5)+k(1—k)ab+k(1—k)(§2+25)(2§+§5)+(1—k)2(BZ+ZI§)ZB
=k°0* +k(1-k)ab+k(1-k)(-h* +ab)+(1-k)’ @’
=(kb+(1-k)a) —k(1-k) R,

Do AEB=90° nén BEAE =0 kb+(1-k)a=hk(1-k).

Viy hé thitc lién h¢ gitta a, b, h, k dé goc AEB=90°1a kb+(1—k)a=hk(1-k).

Cau 300: Cho tam gic c6 trong tim G, qua G dung duong thiang d cat cach canh 4B, AC lan luot
tai M, N.Dat A—M =x, j—]g =y,goim, M lan luot 1a gia tri nho nhét, gia tri 1on nhét cua
T=x+y.Tinh m+M.

A.E. E.H. C.E. D.é.
3 6 6 2
(Ho va tén tac gia: Hoang Thi Thanh Nhan, Tén FB: Hoang Nhan)
Loi gidi
Chon B

B D

Tacé AM =xAB, AN = yAC, /TG:%EJF%R’.
= MN = AN —AM =-xAB+yAC.

W:(l—xjﬁulfc.
3 3
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1

l_x:—kx l:(]—k)x 3—:1—k
Do M, N, G thang hang nén MG=kMN = 3 = 3 .
[ L T,
3 3 3y
=—+—=3
Xy
Ly X
4 3x-1
Do M, N lan lugt ndm trén cac canh 4B, AC nén %Sx,ysl.
1 1 2
3=—t—2— :>xyZi :>T=x+y=3xyzi
Xy \/E 9 3
2 — Do 2
Dang thtrc xdy ra khi va chi khi xzyzg.
e .z 4
= gié tri nho nhat ng.
’ 1 2 2 2x2
Taco xe| il & (2x-1)(x-1)<0 ©2x*-3x+1<0 ©2x*<3x-1 & <1
x—
2
3
3x-1 2

1
Dang thirc xay ra khi va chi khi * 2
1

Tacd T=x+y=3xy=

— gid tri [én nhitla M ==.

Vay m+M=i+§=1—7.
3 2 6

Ho va tén: Nguyén Thi Thu

Email: thutoan83@gmail.com

Facebook: Nguyén Thi Thu

Ciu 301: Cho tam giac ABC c6 G la trong tim. Goi H 1a chan dudng cao ha tir A sao cho BH = %ﬁé

Piém M di dong trén BC sao cho BM = xBC . Tim x sao cho ‘ﬂ + 66‘ dat gia tri nhd nhét.
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com

116



Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New I

A.

v |

B.2. c2 p. &
4 6 5

Loi giai

Chon B.

B H Q F c
Dung hinh binh hanh AGCE. Ta c6 \m +(Tc‘ = \m + E‘ = ‘ﬁ‘ ~ME>FE.
Do d6 [MA +GC| nho nhdt khi M =F.
Goi P 1a trung diém cua AC; QF lan luot 12 hinh chiéu vuong goc cua P, E trén BC.

. . N . BQ BP 3 4
Ta c6 ABPQ va ABEF dong dang nén —=—== hay BF =—BQ.
Q 8 G312 BF BE 4 y 3 Q

C6 PQ 1a duong trung binh cia AAHC nén Q 1a trung diém ctia HC hay HQ = %H—C .

BO=BH+H0=_HC+_AC=2AC=23BC=2BC.
3 2 6 6 4 8

Do d6 ‘B‘F:i§6=§}3‘é.vay x=2.
3 6 6

gmail: hoangthuyvinhuni@gmail.com

Céu 302: Cho tam giac ABC déu canh 243 , d 1a dudong thing qua B va tao v6i AB mot goc 60°
(CA). Tim gid tri nho nhét cita 4 =[MA + MB +3MC|?

A. 3 B. 12 C. 4 D. 2
5 5 5
Huéng din giai
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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K A

Goi E 1a trung diém AB.

Goi I 12 diém thoa man: IA+IB+31C =0 < 2]E+3IC =0

= [ nam giita doan EC va EJ = %EC

Ta c6: MA+MB+3MC =2MI + IA+ IB+3MI +3IC =5MI
Vay Az‘SW ‘ min < M 14 hinh chiéu ctia I trén dudng thang d.

Puong thing d qua B va tao voi AB 1 goc 60° nén d song song AC va cét EC tai K.

= AKEB = ACEA( g.c.g) nén E la trung diém KC

- ﬁzz\/}ﬁ:g,:E]:i:;:g
2 5 5
KI=2+3=ﬁ
5 5
AEKB ~ AMKI = EB KB — =M = EBKI —2

KB 5
(Tac gida: Hoang Thi Thuy - Facebook: Cé ba ld )
Cau 303: Cho tam gidc 4BC déu canh 1 noi tiép duong tron (O) va diém M thay ddi trén O. Goi 5,
14n luot 1a gi4 tri 16n nhét va gid tri nhd nhét ciia bidu thic \m +MB - M—C‘ . Tinh 5+1.

43 5\3

A. s+i=+/3. E.sﬂ':T. C.S+i=T. D. s+i=2/3.
Loi giai
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Dung hinh binh hanh DBCA. Ta c6
MA+MB-MC =‘M5+5§1+M5+5§—M5—5@‘=‘A‘/[§‘=MD.
Goi E la giao diém khac C cia DC voi (O). Ap dung bt ding thirc tam giac ta co

MD 2= DO—-0OM =DO—-0OE =DE va MD < DO+0OM =DO+0C =DC

Déu bang xay ra lan lugt khi M tring E va M trung C.
Vay s+i=DE+DC=DC-CE+DC=2DC-20C=2-—-2-—=——.

buiduynam1993@gmail.com

Céu 304: Cho luc giac déu ABCDEF canh a. Trén duong chéo AC, CE 1y hai diém M , N sao cho

AM _CN _ (0<k<1). Do dai BM’+BN” dat gid tri nho nhat khi k bang bao nhiéu?

AC CE

Al B.
2

c.2. D.2.
3 4

(Bui Duy Nam suu tam. FB: Bui Duy Nam https://www.facebook.com/duynam.bui.1)

NG

Loi giai

Chon B.

N®
M

Taco BM = BA+ AM ma i—%:k:ﬁ:kﬂ?:k(zs—c—ﬁ).
Vay BM = BA+k(BC~BA) = BM =kBC+(1-k)BA.
Lai c6 BN = BC+CN ma %:k:éﬁ:kéﬁ:k(éﬁ+ﬁ)=k(2’3§+§é).
Vay BN =(k+1)BC+2kBA.
— —2 —_— —2
Khi do BM” + BN* =| kBC+(1-k)BA | +| (k+1)BC+2kBA]

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I

119



I Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé Group: Strong Team TOAN VD-VDC-New I

= k*BC? +(1-k)’ BA® + 2k (1~ k)BC.BA+(k+1)’ BC* +4k*BA* + 4k (k+1) BC.BA.

2 2 2
Ma BC® = BA® =a* va BC.BA=2C +B;1 AC z_%,

Vay BM’ + BN’ =a’ (6k> =3k +2) (0<k<1).

= min(BM2 +BN2) =a’ min(6k2 —3k+2).

0<k<l

Xét f(k)=6k*3k+2 (0<k<l1),taco minf(k)zf[ljzﬁ.

0<k<l

2
13a” 1 pik=L.
4

Vay min(BM’ +BN*)=

Cau 305: Cho hinh chit nhat A4BCD ¢ AD=a AB=b_O vy I 1an luot la trung diém DB va DO

N 13 diém thoa man ‘2@ +2NC—AB+ AD|= ‘2@‘ va VB 16n nhét. Tinh NB

A B

2a+3Va’ +b* a+a’ +b* 2a+3VJa’ +b? 2a++a’ +b*

AN T B.—/—— "~ c. =" "" b
2 2 = 4 4
Loi giai
A B
| 0
N
D~ c

2NA+2NC - AB+ AD = 4NO + BD = 4NO +40I = 4NI

AD
Suy ra N =222
2 2

DPé NB 16n nhat thi N 1a giao diém cta duong tron tAm / ban kinh % v6i BD (N va B
khéc phia so voi 1).
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3 2a+3 a’+b°

Do d6 NB = NI+]B—%+Z +b? =

Ho tén tac gia: Poan Phu Nhu Tén fb: Nhu Poan

Email: doanphunhu@gmail.com

Cau 306: Cho tam giac ABC, AB =3(cm), BC = 4(cm), CA = 5(cm). Diém M thudc dudng tron ngoai tiép
tam giac ABC. Gi tri nho nhat ctia biéu thic P = MB* + MC? - MA* 1a

Loi giai:
B _~ D
A C

Goi O 1a tam duong tron ngoai tiép tam giac ABC thi O 1a trung diém AC.

Goi D dinh thtt tr ctia hinh binh hanh ABDC thi DB+ DC — DA =0

Ta co

2 2 2Tt A 77 (s e (™A (s )
P=MB*+MC* - MA> = MB +MC —MA :(MD+DB) +(MD+DC) —(MD+DA)
P:MD2+DB2+DC2—DA2+2m(ﬁ+FC—ﬂ):MDZ+DBz+DC2—DA2:MD2—18

Do d6 P nhé nhat khi va chi khi DM nhé nhit.

Vi M thudc dudng tron ngoai tiép tam giac ABC nén DM nho nhét khi va chi khi O,M,D theo
thi tu thang hang.

2
Ta cé @:w+@:%ﬁ+@:w:eﬁ+ﬁj :%AC2+AB2+R‘.E

op*=2194533-2T . vp—op- OM_£—§
4 5 4 2 2

Jo7 sj 597

Vay MinP=| X2 -2| —18= 5——
2 2

Chon dap an B

Phuongthao.nguyenmaths@gmail.com
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Cau 307: Cho tam giac ABC c6 G la trong tdm. Goi H la chan duong cao ha tor 4 sao cho

BH :%FC’ Piém M di dong nim trén BC sao cho BM =xBC. Tim x sao cho do dai cua

vecto MA+GC dat gia tri nhd nhéat.
Al B.2. c.b. D.
5 6 5
(Ho va tén tic gia: Nguyén Thi Phwong Théo, Tén FB: Nguyén Thi Phwong Théo)

NG N

Loi giai

Chon B.

Dung hinh binh hanh AGCE . Ta ¢6 MA+GC = MA+ AE = ME .

Ké EF 1 BC (F e BC). Khi d [MA+GC|=|ME| = ME > EF .

Do dé \MH(TC\ nhé nhitkhi M = F .

Goi P la trung diém AC, Q 14 hinh chiéu vudéng goc ctia P 1én BC (QEBC).
Khi 6 P 1a trung diém GE nén BP=%BE.

X BQO BP 3 — 44—
Ta cd6 ABPQO va ABEF dong dang nén — =——=— hay BF =—BQ.
0 S 359

Mit khac, BH =%ﬁé.

PQ 1a dudng trung binh AAHC nén Q 1a trung diém HC hay H—Q =%H—C.

Suy ra BO=BH +HQ =~ HC+~HC = 2HC =2 3 3¢ = BC.
3 2 6 6 4 8

Do d6 BF =2B0=2BC.
3 6
Cau 308: Cho hinh thang ABCD c6 day CD gap doi day AB. Ly mot diém E sao cho 3BC = 2DE va
dong thoi théa man CA = CE . Gia tri nho nhat cta goc ABC nim trong khoang nao dudi day?

A. (95°;100%) . B. (100°;1067) . C. (106°;115°%). D. (1157;120%).
Loi giai:

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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A B

E
Goi a=ABC.Tacé: AC = AB+BC — AC* = AB* + BC> —24B.BC.cosa (1)

Lai c6: CE =CD+ DE =—2E+%B—c—> CE? = AC* =44B’ +%BC2 +6A4B.BC.cosa (2)
Lay (2) — (1) vé theo vé ta duoc :

0=3A32+§BC2+8AB.BC.cosa—>cosa=— M;B+£ <-2. /3AB. >BC =—\/E
4 8BC 32A4B 8BC 32A4B &

Suyra: & >118,96" — GTNN cia « niam trong khoang (115°;120°) — chon dap an D.

Cau 309: Cho hinh thang ABCD c6 24B=DC, AC=8,BD=6, goc tao boi hai véc to AC va BD
bang 120°. Khi d6 gia tri ciia (4D + BC) bang:

A 134205 g, 44T c. 15+2/10 D. 64443
2 3 4
(Tdc gia: Thay Nguyén Ping Ai, FB: Nguyén Ding Ai )
Loi giai:
A B

D

Taco: AC = AB+BC va BD=BC+CD. Suy ra: 2E+ﬁ)=(2ﬁ+@)+3%=3ﬁ

Binh phuong v6 hudng hai vé ta duogc:

9BC? =4AC* + BD* +4AC.BD.cos120" = 4.8* +6° +4.8.6.c0s120° — BC = %
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Tuong tu ta co:
Ta c6: AC=AD+DC va BD=BA+ AD. Suy ra: AC +2BD =(2BA+ BC)+34D =34D
Binh phuong v6 hudng hai vé ta duogc:

47

9A4D* = AC* +4BD* +4AC.BD.cos120° =8* +4.6> +4.8.6.cos120° — AD = =

Suyra: (AD+ BC) =

ﬂ — chon dap 4n B.

Céu 310: Cho hinh thang ABCD ¢6 24B=DC, AC=9,BD=6. Gia tri cua biéu thic (BC> — AD?)

bang;
80
A. 15. B. 3 C. 12. D. 14.
(Tdc gia: Thay Nguyén Ding Ai, FB: Nguyén Ding Ai )
Loi giai:
A B
D C

Tacé: AC=AB+BC va BD=BC+CD. Suyra: 2AC + BD = (2AB + CD) +3BC =3BC
Binh phuong v6 hudng hai vé ta duoc:

9BC* =4AC*+BD*+4AC.BD (1)

Tuong tu ta co:

Ta ¢6: AC = AD+DC va BD=BA+ AD. Suy ra: E+2E=(2§4+R‘)+3E:3E
Binh phuong v6 hudng hai vé ta duogc:

94D = AC* +4BD* +4AC.BD (2)

AC?-BD* 9> -6
3

Lay (1) trir di (2) vé theo vé, ta dugc : BC? — AD* = =15 — Chon dap 4n

A.

14+47
3

Suyra: (AD+ BC) = — chon dap 4n B.

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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|

Cau 311:

Cau 312:

Cho tam gidc ABC c6 BAC =60° va AB, AC da biét. Biéu thirc P =k.MA+MB+MC dat gia
tri nho nhét bang (4B + AC) v&i moi gia tri thuc k > k,. Gia tri cua k, nam trong khoang nao
dudi day?
3 3
A. (0;1). B. (5;2). C. (1;5). D. (2;3).
(Téc gid: Thay Nguyén Ding Ai, FB: Nguyén Ding Ai )
Loi giai:

I e el et el —= =T - :
Tacé:|u|.|v|2u.v<—>|u|Zu.7|va:u.v2—|u|.|v|.Apdungvéobéunay,taco:

|v
P=k.MA+MB+MC2k.MA+m.A£+VC.£:k.MA+(m+E).£+(m+E).£
AB AC AB AC
= PZk.MA+AB+AC+MZ(A—B+£)2k.MA+AB+AC—MA.|A—B+£|
AB  AC AB  AC
= P>MA k—|£+£| +AB+ AC . Gia thiét cho biét:
AB  AC
P> MA k—|£+A—C| +AB+ AC > AB+ AC
AB  AC
Suy ra: k—|ﬁ+£| > 2|£+£|
AB AC
St dung binh phuong vo hudng dé tinh:
_ —_ ——\2 —\2 —_—
4B AC . (B (4CY )AB AC |\ 1) cosse =3
AB  AC' | 4B AC AB AC
Suy ra k_|—B+%|:\/§:k0.Vélytachqndépz’m B.

Email: hongle.ad@wgmail.com

Cho tam giac ABC c¢6 ciac canh AB = ¢, AC = b, BC = a. Tim diém M d& vecto
aMA+bMB +cMC ¢6 46 dai nho nhét
A. M trung véi trong tam G cua tam giac ABC.
B. M tring v6i tim duong tron ndi tiép I ctia tam giac ABC.
C. M trung véi tryc tdm H cua tam giac ABC.
D. M tring voi tim dudng tron ngoai tiép I ciia tam giac ABC.
Loi giai
Ho va tén tic gid: Vii Thi Hong Lé Tén FB: Hong Lé

Chon B.

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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A
B
D
C
Goi I 1a tim dudng tron noi tiép cua tam gidc ABC
Theo tinh chat phan giac trong: % = j—i =S~ DB= %.DC , ma hai vecto DC, DB nguoc

huéng nén ta co ITB:—%D—C<:>bﬁ+cﬁ’:6©b(E—IB)+c(E‘—F)):6

hay bIB +cIC—(b+c)ID=0 (*)

Miatkhae 2B ¢ o PB_ ¢ L pp_

E_B_A_c(bJrc) _b+c
ID BD ac a

< ald :(b+c)ID

Ma I4,1D nguoc huéng nén ald=—(b+c)ID
Thay vao (*) ta co bIB+cIC+ald=0

Vay do dai ciia aMA+bMB +cMC nhé nhat bang 0 khi M trung I

Email: nguyentuyetle77@gmail.com

Cau 313: Cho tam gidc ABC déu canh a va diém M thay d6i. Gia tri nho nhat cua biéu thirc
P=2MA> +3MB* —4MC* la:
2 2
A. 14a? B. — 144’ c. - 2%a p. 2%
3 3
Loi giai

Ho va tén: Nguyén Thi Tuyét Lé FB: Nguyen Tuyet Le
Goi G 1a trong tAm tam giac ABC.Taco: P =2(MG +GA)* +3(MG + GB)* —4(MG + GC)

= MG?+2MG(2GA+3GB —4GC)

= MG? +2MG(2GA+2GB +2GC + GB—6GC)
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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= MG? +2MG(CB-5GC)+GC?

= MG?*+2MG(CB-5GC)+(CB-5GC)* —42GC?
2

(Vi (CB-5GC)* = CB*-10CB.GC +25GC? = 43.“? =43GC?)

p=(MG+CB-5GC)* —42GC* > -42GC* =-14a".

Déu “="x4y ra < MG =5GC-CB.

Vay min P =-144> khi M 1a diém théa man MG =5GC - CB
Ho va tén tac gia: Dang Van Tam Tén FB: Dang Vin Tam
Email: dvtam0189@gmail.com

Cau 314: Cho tam gidc ABC c6 hai dudng trung tuyén ké tir B va C vudng goc véi nhau. Tinh gia tri
nho nhit ctia cosA4.

AL B.Z. c.>. D. 2.
2 3 4 5
Loi giai
Chon D

B

Goi M, N lan luot 1a trung diém cua AC, AB. Ta co:

Theo gia thiét BM 1 CN nénta co BM -CN =0 hay

(A‘M-ZE).(H—A‘“C)=0<:>Z§-A‘5=-A‘MZN+A‘M-A‘"C+EV.ZB
Ma A_]\Z:%% va Zﬁz%ﬂﬁ nén suy ra
T . A l——= —= 1 2 2 5. 552 2 2
AB-AC:—ZAB-AC+5(AB +AC )@AB-AC:E(AB +AC ).

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ap dung dinh nghia tich vo hudng, két hop Bat ding thirc Cosi ta ¢6

AB-AC _2 AB*+AC® 2 2NAB*.AC’

cos A= COS(E;TC") =

Diu "=" xay ra khi 4B=AC hay tam gidc ABC cantai 4. Vay min(cos4)=

Ho va tén: Cin Viét Hung

Email: thuyhung8587@email.com

FB: Viet Hung

4
ABAC 5 ABAC 5 ABAC 5
4
5

Cau 315: Cho doan thfmg AB ¢ @6 dai bﬁng a. Mot diém M di dong sao cho ‘m+ﬁ—4§‘ = ‘]\—/IZI—ME .

Goi H 1a hinh chiéu caa M 1én 4B . Tinh d6 dai 16n nhit caa MH ?

AL B. & C.a
2 2
Loi gidi
M
A -
H @)
Chon A.

Goi N 1a dinh thtr 4 cta hinh binh hanh MANB . Khi d6 MA+ MB = MN .
Ta o [V + M| ~|[VZi - MB| > [ VN = B hay M = 45

Suy ra MANB 1a hinh chit nhat nén AMB =90° .

Do d6 M nam trén duong tron tim O duong kinh AB .

ABE

MH 16n nhat khi H tring véi tim O hay max MH = MO =—= >

2

Ho va tén tac gida: Phwong Xudn Trinh Tén FB:: Phwong Xudn Trinh

Email: phuongtrinhltl@gmail.com

Céau 316: Cho tam giac ABC vuong tai 4. Goi @ 1a goc giira hai trung tuyén BD va CK . Gia tri nho

nhit cta €OSC 13,
AL B.
2

C

(RN

Loi giai

D. >
4

Chgn B
I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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A

Ta co:

ﬁ.C—K=(E—E)(ﬁ—E)=—E.E—E.E (do AB L AC)

= —l(AB2 +AC) = Lper
2 2
Mat khac:
., (2B4?+2BC*-4C*)+(2C4* +2CB* - 4B”)
2BD.CK < BD*+CK* = "
_ AB*+ AC* +4BC* 5BC*
4 4
Do do:
\BD CK BC® _4BC’ 4
Cosa = =—.

BD.CK 2BDCK SBC2 5

cosa=%<:>BD:CK<:>AABC vuong can tai 4.

ml-b

Vay min(cosa) =
vanphu.mc@gmail.com

Cau 317: Cho AABC c6 trong tam G. Goi H 1a chan duong cao ké tir A sao cho CH = %I-ﬁ . biém M di

dong trén BC sao cho CM = x.CB . Tim x sao cho do dai vecto MA+GB dat gi4 tri nho nhat.

A.§. E.E. C.E. D.é.
5 6 5 8
Loi giai
Chon B.

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Dung hinh binh hanh AGBE. Ta c6 MA+ GB = MA+ AE = ME

=FFoM=F.

min

:>‘m+@‘=‘m‘:ME2EF :‘AZH@

Goi P latrung diém ctia AB . Khi d6 P ciing la trung diém ctia GE va CP = %CE
Goi O 14 hinh chiéu vuéng goc ctia P trén BC.

Tacoé ACPQ va ACEF dong dang nén © = % =

_— 4 —
=CF=—-C0.
CF 3 ©

3
4
Mat khac PQ la duong trung binh cua AAHB nén HQ —HB Theo gia thiét CH = ;HB

SuyraC—Q:@+H—Q:§ﬁ+%ﬁ:%}ﬁ

TuglathletHBz%CB Do d6 CO = 6?173_% CB =§CB:>CF=—CQ— %5&:%@

wl-b

3CB
4
( Ho va tén tac gia: Nguyén Vin Phu, Tén FB Nguyén Vin Phu)
Ho va tén tic gid: Tran Tuyét Mai Tén FB: Mai Mai
Email: maimail. hn@gmail.com
Cau 318: Cho doan thﬁng AB ¢o @6 dai béng a. Mot diém M di dong sao cho ‘m +WB‘ = ‘m —m‘ .
Goi H 14 hinh chiéu cua M 1én AB . Tinh d6 dai 16n nhit coa MH ?

3
A2 B. i C.a. D. 2a.
2 2
Loi giai
Chgn A
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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M

Goi O la trung diém ctia AB . Khi d6 MA+ MB =2MO .
— = — S — 1
Ta ¢6 ‘MA +MB‘ = ‘MA —MB‘ PN 2‘M0‘ - ‘BA‘ hay MO =—AB Suy ra AMAB vuong tai M
nén AMB=90". Do d6 M nim trén duong tron tam O duong kinh 4B .
MH 16n nhatkhi H tring véi tim O hay max MH = MO = A—zB = %
Ho va tén tac gia: Nguyén Thi Thanh Thio Tén FB: Nguyén Thanh Thio

Email: nghianguyennhan78@gmail.com

Céu 319: Cho 4D va BE 13 hai phan giac trong ciia tam giac ABC . Biét AB=4 BC=5 va CA=6.
Khi d6 DE bing:

A.2Ci-2CB. B.2Ci-2CB.  C.2Ci->CB.  D.>Ci-—CB.
9 5 5 9 5 5 5 5
Loi gidi
Chon A.
A
E
B D C
AD 1a phan giac trong cua tam gidc ABC nén Q=£=§:> b __6
DB AB 4 CD+DB 6+4
~L_° . ep-2cs.
CB 10 5
Tu’ongtu:gzézafzéa.
c4 9 9

3

Vay FE:@—@zgc:A—ECB.

Céu 320: : Cho doan thing 4B c6 do dai bing a. Mot diém M di dong sao cho WZ +M§\ = WZ—ME\

. Goi H 13 hinh chiéu cia M 1én AB . Tinh do dai 16n nhat cia MH 9

H Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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B V3 C. . D. 2a.

AL
=9 2

Loi giai

Chon A.

Goi N 1a dinh thtr 4 cta hinh binh hanh MANB . Khi d6 MA+ MB = MN .
Ta ¢6 ‘MLME‘:‘MZ—ME‘ @Wﬁ‘z‘fﬂ‘ hay MN = AB.
Suy ra MANB 1a hinh chit nhat nén AMB =90° .

Do d6 M nam trén dudng tron tim O duong kinh AB .

MH 16n nhat khi H trung véi tim O hay max MH =M0=%=%.

Ho va tén tic gii: Hoang Tién Pong Tén FB: tiendongpt

Email: dongpt@c3phuctho.edu.vn

Cau 321: Mot miéng g6 ¢6 hinh tam giac c6 di¢n tich 1a S diém 7, O lan lugt théa man IB+1IC =6;
OA+0I =0. Cit miéng gd theo mot duong thang qua O, duong thang nay di qua M, N lan
luot trén cac canh AB, AC . Khi @6 dién tich miéng g5 chira diém A thudc doan:

A. E,E . B. E,E . C. ﬁ,i D. §,£
— 143 3°2 8 2 48

Chon A

1 C

T O ké MN'//BC, suy ra: Ola trung diém M'N'.
NN' MA OM' NN' MM’ [ 1)
L= oy | 0<x<—|.

Ta co: . . =1 = = =
I NA MM' ON' NA MA

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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NN’:xNA<:>AN—AN’=xNA:>NA=LAN’.

1-x

MM'zxMA<:>M§4—MAzxMA:MAzlLMH.
+X

AM AN AM.AN 1

AB AC  4.AM'AN' 4(1—x2)'

Ta co: S aaay =
S

ABC

Xét ham s6: f(x)=4(1—x2) trén [0;%} suyra: 3< f(x)< 4:%3 S oy Sg
D6 Cong Diing

Email: congdung812@gmail.com

Ciu 322: Cho tam giac ABC c6 ban kinh duong tron ngoai tiép R=2. Tim gia tri 16n nhét cta
BC?—AB* - AC*.
A. 1. B. 2. C.3. D.4
Giai

).
B

Goi O 1a tam cuia duong tron ngoai tiép tam gidc ABC . Dung hinh binh hanh 4ABMC

Chon D

Tacé OA=OM +MA = OA* = OM* + MA* +20M MA (1)
Tuong tu ta co: OB> = OM* + MB* +20M MB (2)

OC* =OM” + MC* +20M MC (3)

Ly (2)+(3)—(1) timg vé ta co:

R> = OM? + MB* + MC? — MA> +2W(m +M—C—m) (do t& gide ABMC 1a hinh binh
hanh nén ME+M7:=A771)

Khi d6 R> = OM? + MB*> + MC?* — MA*> = OM? + MB* + MC? — 4 MI>

= OM? + MB® + MC? —4(’432 +AC _BCZJ
2 4

= OM? + MB* + MC? —2(,4132 +AC? —BC2) maMB = AC, MC = AB

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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nénR? = OM? — AB* — AC* + BC* < BC* —AB* - AC*=R*-OM* <R*=4
Vay gié tri 16n nhat cia BC? — AB* — AC*1a 4.

Dang thirc xay ra <> M =0 = AB = AC = R = BC? =3R’. Ap dung dinh Iy cosin trong tam
gidc ABC 6 BAC =120°. Hay la tam gisc ABC cantai A vacoé BAC =120°.

Hy va tén tic gii: Nguyén Tan Quang Tén FB: Nguyén Tin Quang
Email: quangmath@gmail.com

Céu 323: Cho tam giac déu ABC canh @ Goi M 1a diém ndm trén canh 4B. Tinh gia tri nho nhét cia
biu thire [+ 2MB + MC| theo 4-

A. “*/5. B. “*E. C. “*E. D. 2‘“/5.
4 2 8 3

Loi giai

Chon B.
Ta 0 [MA+2MB + MC| = | MA+ MC)+ 2MB| = [2MN +2MB| = 4[Mi| = 4M1,
trong d6 N,/ lan luot la trung diém ctia AC, BN. Do d6 I c6 dinh.
A

B c
K& IH vudng goc voi AB. Taco MI > HI.

e 5

Tinh dugc BN = - = [H = Bl.sin30° = aT

Email: themhaitotoanypl@gmail.com

Cau 324: Cho hinh binh hanh ABCD, M thu¢c dudng chéo AC, (M khong trung v6i cac dinh A, C)
Trén cac dudng thing AB, BC, lay cac diém P va Q sao cho MP // BC, MQ // AB. Goi N la

giao hai dudng thang AQ va CP. Gia si DN = mDA +nDC . Tim gi tri 16n nhat ciam +n

A. D.2

W |

B.> c.l
4 2
Loi giai

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Cau 325:

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com

a P B

M Q

pat M _p B9 B ke (o)
AC BC AB

C6 DN = DA+ AN = DA+ xAQ = Dd + x{4B + BO)
= DA+ xDC - kxDA = (1 - kx)DA+ xDC, (1)
Mt khae DN = DC +CN = DC + yCP = DC + y{CB + BP)

=R’+y54+y(k—l)ﬁ =y54+(1+yk—y)ﬁf,(2)

k
=1-kx R
Tir (1) va (2), ta c6 1° o] Kokl
l+ky—y=x . 1-k
k' —k+1

Dodéﬁvzk % DA+ DC

= max(m + n) = % , dat duoc khi k = %hay M la trung diém AC.

(Fb: Lvu Thém)
Ho va tén: Lé Thi Lan FB: Lé Lan

Email: lelangx2@gmail.com

: Cho tam giac ABC c6 G la trong tdm. Goi H 1a chan duong cao ha tr 4 sao cho

BH = %FC DPiém M di dong ndm trén BC sao cho BM =xBC. Tim x sao cho d¢ dai cua

vecto MA+GC dat gia tri nhd nhét.

AL B.>. c. b

5 6 5
Loi giai
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Chon B.

Dung hinh binh hanh AGCE . Ta ¢6 MA+ GC = MA+ AE = ME .

Ké EF L BC (F €BC). Khi o [MA+GC|=|ME|= ME > EF .

Do d6 ‘MLEG‘ nhé nhétkhi M=F .

Goi P latrung diém AC, Q la hinh chiéu vudng goc ciia P 1én BC (QGBC).
Khi @6 P 1a trung diém GE nén BP =%BE.

Ta c6 ABPQ va ABEF ddng dang nén i—g = BP =

3. = 4
> hay BF =—BQ.
BE 4 370

Mit khac, BH = %ﬁé

PQ la dudng trung binh AAHC nén Q 1a trung diém HC hay HQ = %]%‘ .

Suy ra BO = BH + HO =+ HC+LHC=2Fc =2 2 B¢ =2 BC.
3 2 6 6 4 8

Do d6 ﬁ:%?g:%?c.
Téc gia: Nguyén Vin Hung Facebook: Nguyén Hung

Céu 326: Cho tam giac ABC c6 BC =a, AC =b, AB =cni tiép duong tron tdm O, ban kinh R. M la
diém thudc dudng tron (0). Goi N,n lan luot 1a gia tri 1on nhit va gia tri nho nhit cua biéu
thirc P=MA> +MB* + MC? . Khi d6 gié tri cia N —n bang

A. 12R?. B. 4R\OR> —a> - — > .

C. 2R\IR’ —a’ —b* - > . D. 8RVOR? —a’ —b> —c>.
Loi gii

Chon B.

Ta co:

P=(MO+0A) +(MO+0B) +(MO+0C)
=6R> +2]\—/15.(52+5§+55) =6R> +2‘]\—45‘.‘(52+5§+56)‘.cosa
I =6R? +2R.‘(@+O—B+R‘)‘.cosa

Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com I
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Vay:

' 6R? —2R.‘(5;1+5E’+56)‘ <P<6R? +2R.‘(5,71+5§+56)‘

:N—n=4R.‘@+@+R“

Ma: |04+ OB + 56‘2 =3R? +2(0A40B + OBOC + 0AOC)

2 2 AR\
+2'ZOA +OB 2(OA 0B)” _

=3R? 9R* -’ —b*-¢?

=>N-n= 4R.\/9R2 —a’-b*-c*
Hy va tén tic gii: Nguyén Xuin Giao Tén FB: giaonguyen
Email: giaohh2@gmail.com
Cau 327: Cho tam giac déu ABCndi tiép duong tron tam O,ban kinh R, M 1a mét diém bat ki trén
dudng tron. Gia tri 16n nhat ctia biéu thirc § = MA? + 2MB* —-3MC? 1a
A. R*21. B. —R*\21. C. 2R*\21. D. 2R*\/21.
Loi giai
Chon C.
—2 2 2 2 — —\2 — ——\2
Tacd S=MA +2MB —3MC =(MO+O0A) +2(MO+0B) -3(MO+0C)
§ = 2M0O( 04 +20B - 30C ) = 2|M0|[04+ 20B - 30C| -cos
S= 2R‘E4+2CTB‘.cosa
Trong d6 a = (MB,E‘Z + 2@)
Do tam gidc ABC déu noi tiép duong tron ban kinh R nén cé canh 1a R3
Y Y N e 2 0 2 i AAD
(CA+2CB) =CA +4CACB+4CB =15R’ +4.CACB.cos60" =21R’ = |CA+2CB| = RV21
S=2R*21.cosa = S <2R*\21
Déau bang xay ra khi cosa =1 < MO,CA+2CB cung chiéu.

Vay MaxS$ = 2R*\21

Email: anhtu82t@gmail.com

Cau 328: Cho tam gidc 4BC . Tim gia tri nho nhét cia biéu thuc P = V30824 +2¢082B +2+/3 cos2C
J3-1
AP =—4. B. B, =¥ C. B, -2-3y3. D.P, =-5.

Loi giai
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Ho va tén: Pong Anh T Facebook: Anh Tu

Chgn A
Goi O, R lan lugt 1 tAm va ban kinh dudng tron ngoai tiép tam giac ABC
Ta ¢6: (204+~/30B+0C)> >0
& 404> +30B* + OC? + 404.0C + 4/304.0B +2+/30B.OC > 0
< 8R* +404.0C.cos 2B + 4+/304.0B.c0s 2C + 2\30B.0C.cos 24 > 0
< 8R> +4R? c0s 2B + 43R c0s 2C + 24/3R* c0s 24 > 0
& f3c0s24+2c0s2B +2+/3 c0s2C > —4 . Dau bing xAy ra khi 4 =45, B =60",C =75,
Vay P, =-4.

VAN BE 6 TICH VO HUONG
Email: ngvnho93@gmail.com

Cau 329: Cho tam giac déu 4BC canh @. Tinh 4B.BC+BC.CA+CA.4AB

2 2 2 2
A._3(1 B. 3a C.a\/g D._a\/g
2 2 2 2
Loi gidi
Ho va tén: Nguyén Vin Nho Facebook: Nguyén Vin Nho
Chgn A
Cach 1

5 r —_— ——\2 P
Nhin xét: Voi moi diém M bét ky, ta ludn ¢d AB® =(AM +MB) = AM” + MB* +2AM .MB

= AM .MB =1(AB2 — AM? —MBZ)
2

2
a

ABBC =1(4c* - ap* - pc?)=-L
2 2

B N A o
Do d6 BC.CA:E(BA —~BC*-CA4 )=—? :>AB.BC+BC.CA+CA.AB:——2 .

2
CA.AB :l(CB2 —c4? _ABZ): _a
2 2

Cach 2

Goi M, N, P 1an luot 1a trung diém cua cac canh 4B, AC, BC. Do tam giac ABC déu nén
H BM, CP, AN lan lugt la cac hinh chiéu cia BC, CA, AB 1én cac canh B4, CB, AB.
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Ap dung cong thirc chiéu, ta co

2
AB.BC = ABBBM = —AB.MB = —AB.MB = —a.% - —“? A
2
SR BAAD. BATDA a_ a
BCCA=BCCP=-BCPC=-BCPC=-a == Iy N
2
CAAB = CAAN =—CANA=-CANA=-a. %=L

2
Cong vé theo vé ta dugc AB.BC + BC.CA+CA.AB = —3% .

Cich 3. Vi tam giac ABC déu nén (ZE,EE‘) = (371,@) = (E‘Z,ZE) =120°.
ABAC = AB.5C.cos(4B,5C) =aa 3 | =-%

Do d6 { BC.CA = BC.CA.cos(B—C, CA) - a.a.(—l) -4

2
g — — 1 a’
CA.AB = CA.AB. cos(CA, AB) =aa|-—|=-=

e 3d°

= AB.BC+BC.CA+CA.AB = -~
Ciu 330: Cho tam giac ABC c6 AD1a trung tuyén, G 1a trong tim. Mot duong thang qua G cat cac

canh AB, AC lan luottai M,N. thmg dinh nao sau day dung?

A. AMAN = %mm%mw—c

B. AM.AN = AN.MB + AM .NC

C. AM AN = g(mm + AM NC)

D. AM_AN = g(mm + AM NC)

Loi giai

Chon B
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A

Trude hét ta chimg minh %+ﬂ =1(1)
AM AN

BM PG
BP//IMN AM  AG

=
CO/IIMN ~~ |CN _ QG
AN 4G

That vay, ké {

Do d6 (1)@%+%:1©PG+QG:AGc>(GD—PD)+(GD+DQ):AG

< 2GD = AG (ludn ding)
Viy ta co %JFC—N:l
AM AN

BM.AN +CN.AM = AM .AN
ANMB  AM.NC _AM.AN
< + =

cos A cos 4 cos A
< AM . AN = AN.MB + AM .NC (Do cosA#0)

Ciu 331: Cho cac véc to a,b,c théa min ‘a‘za,I;‘Zb,E‘:c va a+b+3c¢=0 _ Tiph
A=ab+bc+ca
A 3¢’ —a’ b’ ‘ B. 3a° -’ +b’
2 2
2 2 2 2 2 2
C.3b a —c D.3C a +b
2 2
Loi giai
Tac gida: Quang Phi
Chgn A
- = - - - = - - =\2 -2
Ta co a+b+3c=0<:>a+b=—30©(a+b) =9¢c
~ _ . ~ . 9 2_ 2 _b2
od +b +2ab=9¢ & a.bz%
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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e e s R R B e I i R o
Tuong tu ta c6 b+3c=—a<:>(b+3c) =a ©b +9 +6bc=a ©bc=———

- - - - -\2 - - - L L . 22 a2
Vata lai c6 a+3C=—b<:>(a+3c) =b2<:>a2+9cz+6.a.c=b2<:>a.c=—b a6 % )

9’ —a*-b’ N a’ —b*-9¢* erz—az—9c2 B 3¢ —a’ -b?

Suyra 4=

2 6 6 2
Ho va tén: Poan Thi Hudong

Email: ngochuongdoan.6@gmail.com Fb: Poan Thi Hudng

Céu 332: Cho tam giac ABC vudng tai A c6 BC = 2a, M 1a diém trén doan BC sao cho MB = 2MC. Biét
raing AM .BC = a* . Do dai canh AC la:

a\33 a3
3

A. AC = B. AC =a\3 C. AC=5 D. AC = a5

Bai giai
Tir gia thiét M 1a diém trén doan BC sao cho MB = 2MC nén ta c6 BM = %R‘
Dit AB=x; AC=ytacod x’ +y° =44’ (1) (Tam gidc ABC vudng tai A)

Mt khc tir W=E+W=E+%FC’=@+%(TC—E):%E+%TC

Nén c6 AM.BC = a? m@e%@@u@ e

l—2 2—2 5 _—
c>§AC _EAB =a (Do AB.AC =0)

1 2 2 2 2
Sy ——x" =a (2
37 73 @)

a33

Tr(l)va(2)taco y= - Chon dép an A

Ho tén: Pao Hitu Nguyén FB: Dao Hiru Nguyén

Mail: huunguyen1979@gmail.com

DA — 0 _— — 2 —
Cﬁu 333: Cho tam giéc ABCC() BAC—9O ,AB—I,AC _2.Dl.l’llg diém M $20 chO AMJ_BC ,AM —3
— _ 2 2
.D{ltAM—x'AB"'y'AC.Tinh T=x+y?

A T=22 B.7T-10, c.r=-27. D. x=22,
20 20 20 20

Loi giai
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Chgn A
T AM = x.AB+ y.AC = AM?* = x*AB*> + y?AC* = 9 =x" +4)"

Va AM .BC = x.AB.BC + yTCE =0= x.E(TC—E) +y.TC(E—E) =9=-x+4y

144
¥ +4y"=9 |xX’=—o , , 153
Ta c6 hé: And 20  Suyra I'=x"+y =——
x4y =0 B 20
x=4y

Email: truongthanhha9083@gmail.com

Cau 334: Cho tam giac ABC vuong tai A. Quy tich diém M thoa man MB.MC = MA.BC + MA® 1a
A.Puong thang AC.  B. Puodng thang AB.
C. Puong thaing BC.  D. Pudng trung truc canh BC.
Loi giai
Ho va tén tic gia: Nguyén Bd Trwong Tén FB: thanhphobuon
Chon B
Yéu cau bai toan try thanh
(MA+ AB).(MA+ AC) = MA.BC + MA
& MA* + MA(AB + AC)+ AB.AC = MA.BC + MA®
< MA(AB+ AC) = MA(AB + AC) (*)
Goi E 1a dinh thur tu cua hinh chit nhat ABEC. H¢ thac (*) tré thanh
MA.AE = MA.BC
< MA(AE - BC)=0
< MA(AE — AC)=0
& MACE =0 MA L AC

Vay diém M thudc duong thing AB.

Cau 335: Cho tam giac déu 4BC canh 3@, (a>0). Lay cac diém M, N, P 1in luot trén cac canh
BC, CA, AB saocho BM =a, CN=2a, AP=x (O<x<3a). Tim x d¢ AM L PN .

A.x=3—a. E.x=4—a.
5 5

C.ng. D.x=2—a
5 5

Loi giai

Ho va tén tic gia: Nguyén Bd Trwong Tén FB: thanhphobuon

Chon B
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B

Ta c6 mzzmm“:zmiﬁa

M = 4B ++(AC - 4B) =2 4B+~ AC |
3 3 3

Tacé PN = AN - AP=24C- "~ 4B.
3 3a

Dé AM 1 PN thi W.FN=0@GZE+%ZEJGZE—31ZEJ=O
a

e 2ABAC -2 4B + L ac - X aBac-o.
9 9a 9 9a

& ZABAC.cos60°— 22 (3a) +L(3a) X AB.AC.cos60° =0
9 9a 9 9a

=330 ——=2. 9a> +1947 > 3q.30-L 20,
9 2 9a 9 9a 2

<:>2a2—%ax=0<:>x=4?a.Vay x=4?a thi AM 1 PN.

Nguyenducloi qv2@gmail.com
Céu 336: Cho tam gidc ABC vudng can tai B. Goi M 1a trung diém 4B va I 1a diém di dong trén
duong thing MC . Khi \21% + ZE\ dat gi4 tri nho nhat, hy tinh ti s % .
A AC BAC_12. c. 4, p. A€ 3
Al Al Al Al 2
(Ho va tén tic gia: Nguyén Pirc Loi, Tén FB: Nguyén Dirc Loi)
Loi giai

Chon B
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Cau 337:

N

Goi N la trung diém BC.

Co [2IM + AC|=|14+ 1B +1C~Td| =|IB +IC| = 21N.

Do d6 ‘2W + R" dat gia tri nho nhét khi va chi khi 7 1 hinh chiéu vuéng goc cia N trén
MC.

Duyng hinh vuéng ABCD. Goi P 1a trung diém CD va H 1a giao diém ctia AP véi DN .
Dé dang chimg minh dugc DN L. CM = I € DN .

Lai co tur giac AMCP 1a hinh binh hanh, suy ra AP//CM .

Do d6 AP L DI va H latrung diém DI. Suy ra tam giac AID cén tai A.

vay AC_AC_ 5
Al AD

Email: buivuongphung@gmail.com
Cho AABC c6 trong tim G, H 1a chan dudng cao ké tir 4 sao cho BH = %ﬁé . biém M di

dong trén BC sao cho BM =xBC. Tim x sao cho ‘m+&" nho nhat.

A8 B.2 c? D. >
5 4 5 6
Loi giai
Ho tén: Vii Thi Chuyén FB: Vii Thi Chuyén
Chon D
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A

Goi [ latrung diém canh BC.
m+aa:m+6é+az+aa:m+§a
Y
:BC—BM+§(IH+HA)

_BC-xBC+2 1B+ 2 A
374 3

:(i_x)ﬁéﬁm
6 3

2
Suy ra ‘ATéHR’r :(%—xj BC? JrgHA2 ngA2

Dau “=" xay ra khi x = % .

Email: nguventhitrangtnh@gmail.com

Cau 338: Cho tam giac 4BC, nhon, khong can va noi tiép duong tron (O;R). Goi G va M lan luot la
trong tdm tam giac ABC va trung diém canh BC. Cho dudng thang OG vudng goc voi duong
thang OM tinh gia tri biéu thitc AC* + AB*> +2BC? theo R.
A. 8R2. B. 10R%. C. 12R?2, D. 14R2.
Loi giai
Ho va tén: Nguyén Thi Tring Fb: Tring Nguyén

Ap dung quy tic trong tdm va quy tac trung diém ta co:

aézw,m‘:%,mﬁdé

& OAOB+0A.0C +20B.OC +2R* =0

@1(2122 —ABZ)+1(2R2 —AC2)+2R2 —BC*+2R*=0
2 2

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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. 52+52_(a_5)2
(chuy ab= > )

< AB*+ AC* +2BC* =12R*

Email: phamhongquangltviwgmail.com

Cau 339: Cho tam gisc MNP c6 MN=4,MP=8, M =60° L4y diém E trén tia MP va dit ME = kMP .Tim
k dé NE vudng goc v6i trung tuyén MF cia tam giac MNP.

A. k=z. B. k=z. C. k=l. D. k=l.
3 5 3 2

Loi giai
Ho va tén tic gia: Pham Hong Quang Tén FB: Quang Pham

Chon B

Ta co: ﬁ:m+ﬁ:kﬁ—m

— 1

MF:E(WP+HN)
NE L MF < (MP +MN).(kMP — MN )=0

- .. - ..
_MN(MP+MN) MNMP+MN _16+16 2
MP(MP+MN) MNMP.Mp. ©04+16 5

<k

(Email): Khueninhbinh2004@gmail.com

Cau 340: Ding thirc MA.AD = MB.BC dtng v6i moi diém M. Khi do tir gidc ABCD 1a hinh gi.
A. Hinh thang vuéng.  B. Hinh chit nhat.
C. Hinh thoi. D. Tt giac co6 hai duong chéo vudng goc.
Loi giai
(Ho va tén tac gia: Pham Trung Khué, Tén FB: Khoi Pham)
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Chon B
Ping thirc MA.AD = MB.BC dung véi moi diém M

, ABBC=0 (4B 1BC
Cho M trung vé6i A4, B ta dugc =

BAAD=0 |AB L AD

Cho M trung véi C ta dugc

CAAD = CB.BC = (CB+BA).AD = (CA+ 4B).BC

— CB.AD = CABC (vi BAAD=ABBC =0)

= CB.AD+CACB =0= CB.(AD+CA)=0=> CB.CD=0= CB 1L CD

Vay tu giac ABCD Ia hinh chir nhat.

Email: dacgiap@gmail.com

Cau 341: Cho hinh vuong ABCD canh a. Goi M , N 1an luot thudc cac doan thing BC vy AC ga0 cho
BM = %W, CN =kAN va AM L DN Khid6 k thugc khoang nao duédi day?
A. (35). B. (-5-3). C. (—4-2). D. (2;4).
Loi giai
Ho va tén: Nguyén Pic Giap Facebook: dacgiap
Chon B

Ta ¢6: W:Zﬁﬁ:ﬁ%ﬁ;

Tt CN=kAN va N nim gitta hai diém A4,C nén suy ra k<0 va

AN =—4c=—L_(4B+4D)
-k 1-k

DN =D+ AN = Di+—(4B-+ AD)

AM LD & AN DN =0 4B+ BC || D48+ 4D) | 0
H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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(BC.AB + BC.AD) -0

@ﬂm+ﬁ(@2 +EE)+%B—CE1+4

2 2
W& k=4,
4

Email: nnqman235@gmail.com

Cau 342: Cho hai vector a,b théa min ddng thoi cac diéu kién ‘Zz —213‘ = \/7,‘21 +l;‘ =2, vector (3;:+Z;)

vuong goc voi (5 —B) . Tinh cosin ctia géc tao bdi hai vector avab.
A. —L. B.Q. C.L. D. —ﬂ.
NE) 4 NE) 4
Loi giai

Ho va tén tic gia: Ngé Nguyén Quéc Méin Tén FB: Ngonguyen Quocman

Chon B
la—28| =7 i db —dab=7 |a =1
Ta ¢6 ‘ZHB‘:z old +b 12ab=4 =1b =2 .
- - . - -2 =2 - L
(Ba+b).(a-b)=0 |3a -b —2ab=0 a‘b:%
Suy ra cos(Zz;l;) = ‘f‘l‘bg‘ = % .
al.

Cau 343: Gia str O 1a tam duodng tron ndi tiép tam gidc ABC véi cac canh BC = a;CA =b; AB = ¢. Tim
04> OB*> 0C?

+ +
bc ca ab

A k=L B. k=1 C. K=1 p. k=1
2 3 4

Loi giai

gi tri biéu thirc: K =

Ap dung tinh chat duong phéan giac vao cc phan giac 04,0B,0C ta ludn co:
a.OA+bOB+c.0OC=0. T d6

(0.04+b.0B+c0C) =0

& a*04* +b*OB* +*OC? +2.a.bOA.OB +2b.c.OBOC +2.c.a.0C.OA=0

Vi 04-0B = BA=(04-0B) =¢ =2.0408= 04" + OB ~*

Tuong tu ta co:
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a’0A* + OB + *OC? + ab(OA2 +O0B*-¢* )+ bc(OB2 +0C*-a* ) +ca (OC2 + 04> —b* = o)
= (a+b+c)(a0A2 +bOB? +cOC2) = abc(a+b+c)
04> OB* 0C*?
= + + =
bc ac ab

1

Chon dap an C.K=1
Ho va tén: Lé Thai Binh

Email: lebinhle80@gmail.com
Facebook: Lé Thai Binh

Cau 344: Cho hinh vuéng 4A4BCD. M, N lan lugt ndm trén hai canh BC va CD sao cho C—M = C—N = l
CB CD 3
Goi E 1a diém théa man AF = kAN. Khi BE L AM.Tinh gia tri biéu thoc T =k> -k +1.
13 7 8 5
A — B. — C. — D. —
16 9 9 16
Loi giai.
A a 8
W
3
D N [ #

—_— —_— —

Pit AB=a,AD =b.
Tacd

Eﬁzﬂ+ﬁzﬂ+kﬁ:ﬂ+k(ﬁ+5ﬁ)

=_;+k(z+2;j=2’f;3;+kz

3
T o BT 27
VaAM:AB+BM:a+§b.

k=3 2 peok=3
3 4

Khi dé BE 1 AM < BEAM = 0<
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Cau 345:

Cau 346:

Cho hinh vuéng ABCD, diém M nam trén doan thang AC sao cho AM = % Goi N 1a trung

diém CD. Tam giac BMN la

A. Tam gigc déu. B. Tam giac can.

C. Tam giac Vuéng. D. Tam gidc vudng cin
Loi giai

Huynh Kim Linh GV Truong THPT Chuyén Lé Quy Pon Khanh Hoa
Chon D

Pit AD=a,AB=b.
Khi d6: 1B =1(—Ez+313)
4

m:iza%(m); ﬁ:zmm:a%

— MN =~ AC =L (3a+D)
4 4

Ta c6: MB.MN = %(_a +3b)(3a +b)

- %(—3&2 +3b +8ab)=0=MB L MN (1)

—2 1 - -5 1 -2 —2 - 5-2
MB =—(-a+3b) =—(a +9 —6ab)=>a
16 16 8

—2 1 - -, 1 -2 -2 - = 5-2
MN =—@Ba+b)y"=—0Oa +b +6ab)==a
16 16 8
Suyra MB=MN (2)
Vay MB vudng goc voi MN va MB =MN, tam giac BMN vuodng can tai dinh M

(Email): luongthanh80tm@gmail.com

Cho tam giac ABC . Goi H 1a tryc tam va O 1a tim duong tron ngoai tiép cta tam giac ABC

patBC=a CA=b AB=c_ Tim hé thirc lién hé gitia @, b ¢ sao cho OHvu()ng goc voi

trung tuyén vé tir dinh 4 ctia tam giac 4BC

A. 24> =b*+ 7. B. 2> =a’+c*. C.2%=d*+b*. D.b*=24>+2%.
Loi giai

Chgn A

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com

150

Group: Strong Team TOAN VD-VDC-New I



I Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New I

A

e
D

Goi AD 1a duong kinh ctia duong tron ngoai tiép tam giac ABC .
Chimg minh duoc t& giac BHCD 1a hinh binh hanh.
Nén HB+ HC = HD
Tacé O la trung diém ciia doan 4D nén HA+HD =2HO
Suy ra HA+HB+ HC =2HO
Ta co: 5§+55=2@~=ﬁ; tuong tu 074+W3=ﬁ;@+073=C—H
& 0A+O0B+0C = OH
Goi M, N, P lanluot 1a trung diém cua cac canh BC, CAva AB.

OH | AM < OH.AM =0
< (OA+0B+0C).(AB+AC)=0

< 304.(AB+ AC)+(AB+ AC)* =0

= 352.Z§+352.Z€+Z§2 + 223?(%252 =0

& —3A4B.AP—3AC.AN + AB* +2AB.AC + AC* =0
3¢ 3b°

S -+ +24BAC+b’ =0
2 2

Lai co: a’ - BC =(Z(7—ZE)2 =b’+c*-24B.AC
< 24AB.AC=b*+c*-d°
Suy ra: 2a° =b* + .

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com I
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

(Swu tim, Ho va tén: Nguyén Luwong Thanh, Tén FB: luongthanh.nguyen.7)

Céu 347: Cho tam gidc ABC cb ADla trung tuyén, G 1a trong tim. Mot dudng thing qua G cit cac
canh AB, AC lan lugt tai M, N . Khiang dinh nao sau day dung?
A AN AN = AN MB + 5 AM.NC

B. AM.AN = AN.MB + AM .NC
C. AM AN = g(mm + AM NC)

D. A AN = g(mm + AM.NC)

Loi giai
Chon B
Trudc hét ta chimg minh %+ﬂ =1(1)
AM AN
BM PG

BP//MN AM  AG
=

CO//IMN CN 0G

AN AG

That vay, ké {

Do d6 (1)@%+%:1c>PG+QG:AGc>(GD—PD)+(GD+DQ):AG

& 2GD = AG (ludn ding)
Viy ta co %+ﬂ =1
AM AN
BM .AN +CN.AM = AM.AN
ANMB AM.NC AM.AN
= + =

cos A cos A cos A
< AM . AN = AN.MB + AM .NC (Do cosA#0)
Ho va tén:Phan Thong

Email:quocthongl 182@gmail.com
Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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I Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Facebook:Quocthongphan

Cau 348: Cho hinh chit nhat ABCD c6 canh AB=2 va AD=4.Goi M Ila trung diém cta canh AB va N 1a
diém trén canh AD sao cho AN =kAD,CM vuong goc voi BN.Khi do k thugc vao khoang nao

sau day
B. L,L C. L,l D. l,l
16 20 20 9 96

A. 0;L
16
1 1-

Giai: Pat AB=a,AD =5

Ta cod W:@+W:—E—ETB:—E—Ea

BN =BA+ AN =—AB+kAD =—a+kb

Theo gié thiét ta c6 CM.BN =0 @(—E—%&j.(—5+k5)=0<:>—16k+%.4=0<:>k=é

Ho va tén tic gia: Pham Hong Quang Tén FB: Quang Pham

Email: phamhongquangltvi@gmail.com

Ciu 349: Cho tam gisc MNP c¢6 MN=4,MP=8, M =60° L4y diém E trén tia MP va dat ME = kMP .Tim
k dé NE vudng goc v6i trung tuyén MF cia tam giac MNP.

A. k=£. B. =£. C. k=l. D. k=l.
3 5 3 2
Loi giai
Chon B

Ta co: ﬁ:N—M+ﬁ:kﬁ1§—m

— 1

MF:E(W+M—N)

NE L MF < (MP +MN).(kMP — MN )=0
I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co

Group: Strong Team TOAN VD-VDC-New H

Cau 350:

- .. - ..
_MN.(MP+MN) MNMP+MN _ 16+16 2

&S ke—e—e— = ==
MPMP+MN) yNMp+Mp> O++10 S
Cho tam gidc ABC ¢6 BC=a, CA=b, AB=c. M 1a trung diém cia BC, D 1a chan duong
—2
phan gidc trong goc 4. Tinh AD
—2 4¢ ——2 4bhc
A. AD :—zp(p—a). B. AD = 2(p—a)
(b+c) (b+c)
—2 4bc ——2 4bc
C. AD = sp(p—a). AD = zr(p-a)
(b—c) (b+c)
(Ho va tén tdc gii: Nguyén Thi Phwong Thio, Tén FB: Nguyén Thi Phwong Thio)
Loi giai
Chon D

Vi M latrung diém cua BC nén AM =%(E+E)

—2 == ——\2 1(== —_— ——2
Suy ra AM :Z(AB+AC) =Z(AB +2ABAC+AC)
Ta lai c6 E.Ez%(cz +b’ —az) nén

1 2(b2+c2)—a2

AM == ¢ +2.l(c2 +b° —c12)+b2 =
4 2 4
Theo tinh chat dudng phan giac thi BD _AB_c¢
DC AC b
Suy ra E:@R'ZQITC *)
DC c

Mat khac BD = AD — AB va DC=AC—-AD thay vao (*) ta dugc

AD - AB =2(4C - AD) & (b+¢) AD = bAB+cAC
c

< (b+ c)2 AD = (b@)2 +2bcABAC + (cA—C)2

= (b+c)2 Ez =p’c? +2bc.l(c2 +b’ —012)+czb2
2

—_2

= AD = 2(b+c—a)(b+c+a)
(b+c)
—2 4bc
Hay AD = —-a
d (b+c)2p(p )

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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I Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 351:

Cau 352:

Ho va tén tic gia: Nguyén Vin Todn Tén FB: Diu Vét Hat
Email: nguyenvantoannbk@gmail.com Bai ¢ mirc dé VD, nho thay c6 gép y!

Cho tam gidc ABC ¢6 AB = ¢, AC = b va BAC = 60°. Cac diém M, N duoc xac dinh béi
MC =—2MB va NB=—2NA. Tim hé thtc lién hé gita b va ¢ d& AM va CN vudng goc véi
nhau.
A. 6¢* —4b* —5bc=0. B. 4¢* —5b> —6bc =0 .
C. 6¢>—5b> —4bc=0. D. 4c> —6b> —5hc =0 .
Loi giai

Chon D
Ta c6: MC = —2MB < AC — AM = —2(AB — AM) <> 3AM =2AB + AC .
Tuong tu ta cling co: 3CN =2CA+CB.
Vay:
AM LCN < AM-CN=0

& (24B + AC)(2CA+CB) =0
& (2AB+ AC)(AB—3A4C) =0+ 24B> —34C> —54B.AC =0.

= 202—3b2—5;;c:0<:>402—6b2—5bc:0.

Ho tén: Tran Ngoc Tén FB: Ngoc Tran

Email: soantailieutoanhoc2018@gmail.com

Cho tam giac ABC noi tiép duong tron tim O. Goi I 14 trung diém ciia AC va M 1a diém thoa
min OM =204+ OB +20C . Biét ring OM vuéng goc v6i BI va AC* =3BC.BA. Tinh gbc
ABC.
A. 30°. B. 45° C. 60°. D. 120°.

Loi giai
Chgn C

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

A

Ta ¢6 OMLB]@2WE=0@(2@+E3+2R’)(Q+R’)=O
& (50B +2B4+2BC) =0 < 50B.BA+50B.BC +2(BA+ BC) =0
Goi H,K tuong g la trung diém cua doan AB, BC
Khi d6 SOB.BA+50B.BC +2(BA+BC) =0

_— _\ — _— —_\ — — —\2
5(0H+HB).BA+5(0K+KB).BC+2(BA+BC) -0

PEN —%BC2 —%BC2 +2BA* +2BC*+2.2BABC =0

o tppe Lpe +(AB2 + BC? —AC2)= 0 AC? =3(AB2 +BC2).
2 2 4
B 3AC-AC —
Do d6 cos ABC = =3 .Suyra ABC =60°.
2BA.BC 2
5AC

Ho va tén tac gia: Dao Trung Kién (st) Tén FB: kienyenthe
Email: kienyenthe@gmail.com

Cau 353: Cho hinh thang vuéng ABCD, duong cao AD = h, day AB = a, day CD = b. Goi M Ia trung
diém ctia BC. Hé thuic giita a, b,h d¢ 4M 1 BD la
A.a>—h*—ab=0. B. i’ —a*—ab=0 C. *-b*-ab=0. D.b*—h*—ab=0.
Loi gidi
Chon B

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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I Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé

Group: Strong Team TOAN VD-VDC-New I

Cau 354:

A.a B

D b C
Ta co

AM 1 BD < 2AM.BD=0
@(ZE+ZE*)§5=0

< —AB*+ AD* - DC.AB =0
sShr—-a’—ab=0

Ho va tén: Vii Huynh Dirc

Email: vutoanpvd@gmail.com

Facebook: vuhuynhduc2017

_—

Cho tam giac déu ABC canh bﬁng a. Goi M, N la cac diém théa min BM :%BC ,

R —

2\/’ 2\/’

a3 a“~7

A Sppe =———. B. S = .
7 7

Loi giai

Chon A

AN = %ZE . Goi I 1 giao diém ctia AM va CN. Tinh dién tich cta tam gidc IBC theo a?

2a2ﬁ 2a2\/§
C.Spc = st D.S;pe = .

o €CN =3x,y eR:BI =xBN +yBC, x+y=1:§=2?xﬁ+3yﬁ, x+y=1

vado I e AM nénmﬁ:%ﬂ+3yﬁ fa ciing co %+3y -1,

I Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New H

A
Ns
B M ¢
x+y=1
", —x=8 y=L=pr=2ps+1pc-
7§+3y:1 7 7 7

—_—

Tir gia thiét ta co CN=%a +%c79

. Eﬁﬁ:(za+15§j.(£§z+lg—5j
3 3 7 7
8 o Al A o o 2~ g . |l o~ D
=2 BACA+BACB+=BCCA+—BCCB=0
21 21 21 21

= ABIC vudng tail.

. . . . N2
Bl =484 +1BC = B12 =(iBA +ch) =212
77777 77777 49

JC2=BC2-BI?=g%-21,2_28.2 ¢ =ﬁa
497 T 49 7

a*\3
=

Vay S e :%BI.IC -

Ho va tén tac gid: Huynh Thanh Tinh Tén FB: huynhthanhtinh
Email: huynhthanhtinhspt@gmail.com

Cau 355: Cho tam giac déu ABC va cac diém M, N, P théa man BM =k BC , CT\/:%@,
3

Zﬁ:iZE Tim k dé AM vuéng goc véi PN .

15
A.kzl B.k=l C. D.k=g
3 2 4
Loi giai
Chgn A

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Group: Strong Team TOAN VD-VDC-New I

Sdn phdm chuyén dé 1ép 10 cua tdp thé cdc thdy co

BM =kBC < AM — AB = k(AC — AB) <> AM =(1—-k)AB +kAC

+)PN = AN — AP = _ 4B+ Lac,
15 3
bé AM vuong goc v6i PN thi AM PN =0
[(1 k)ZBJrkZJ](—iEJF 1%} 0
15 3

(M—ﬁ)AB AC=0

40-K) ok
15

4Bk, (u_ﬁ) 0560 —
15 3 3

Email: duyhung2501@gmail.com
Ciu 356: : Gia st O 1a tim duong tron ndi tiép tam gidc ABC véi cac canh BC = a;CA=b; AB=c. Tim

OB* OC?
+
ab
D. K =l
4

o4
+
C. K=1

gia tri biéu thic: K =
bc

c.a

B.K=l
3

A K=
2
Loi giai

Chgn C
Ap dung tinh chat duong phan giac vao cac phan gidc 04,0B,0C ta ludn co

a.0A+b.OB+c.0OC=0. Tir d6

- - —\2
(a.OA +b.OB + c.oc) -0
& a’04> +b*OB* +*0C? +2.a.bOA.OB +2b.c.OB.OC +2.c.a.0C.OA=0
2

_ _ _— ——\2
Vi 04-0B =BA=(04-0B) =c’ =2.040B =04’ +0B’ —c
Véc to- Tich V6 Hwdng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin gvi email: Strongvdc@gmail.com
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I Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

Cau 357:

Cau 358:

Tuong tu ta co:
a’04> +h*0OB* +*0C* + ab(OA2 +OB> —c2)+bc(OB2 +0C? —a2)+ca(OC2 + 04> —Db* = o)
= (a er+c)(aOA2 +bOB? +cOC2) = abc(a +b+c)

04> OB* 0C?
& + + =
be ac ab

1

Chon dap an C. K=1
Ngudi suu tim: Tang Duy Hung. FB: Hing Ting

Ho va tén: Nguyén Thi Hué FB: Nguyén Thi Hué

Gmail: nguyventhihuel611@gmail.com

Cho hai véc to @ v b thoa man céc didu kién d =%|13| =1, |a-28=15. Pat u=a+b vy

v=2ka-b, k e R. Tim tt ca cic gia tri cua k sao cho (ﬁ,\:) =60".

A.k=4+¥. B.k=4i¥. C.k=5+g. D.k=5¢g.

Loi gidi. Chon A

Tir gid thiét |Zz—213|=\/G@(&—2B)2 5= ab=L.

2
| =i = 6.

u.v=(5+5)(2k5—13)=3k—§, N N FrES Y

v

9
3k_5 l<:>k—4+£
JorJak® —2k+4 2 '

Ho va tén tac gia: Lé Thi Nguyét Tén FB: NguyétLé

(;,5) = 60° <

Email: Lenguyetl50682@gmail.com
Cho tt gidc A4BCD  hai diém M, N thoa man 2MB + MA = 0:2NC + ND =0 va ;1_? _ x. Tinh

ﬂ theo X @& MN L BD.

cosADB
A X B. -~ c. X D. x\/3.
2 = 2 NE)

Loi giai

I Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 ciia tdp thé cdc thdy cé Group: Strong Team TOAN VD-VDC-New H

. MN 1 BD < MN.BD=0; ‘ . .
Phéan tich: Tathay — ,_ . __.. — . ___| néncan phantich MN theo AD va
DBC =(BD; BC); ADC = AD; BD)

BC.

Giai. Ta co biéu dién

— e 2 D 2 ]
MN=MA+AN=§BA+AN:E(BN+NA)+AN:§BN+§AN

~2(BC+CN)+(4D+DN)=2BC+~ 4D
3 3 3 3

Vay MN:%?@%A‘B.Dodo

MNJ_BD<:>(2R‘+E).ﬁ=0<:>23C.cosﬁ?+AD.cosﬁ=0.

DBC  AD
Suy ra COSA =— = bapan B.
cosADB  2BC 2

Ho va tén tic gia: Tran Thanh Ha Tén FB: Hatran
Email: tranthanhha484@gmail.com
Cau 359: Cho tam giac ABC c6 AB=6,BC=7,CA=5. Goi M la diém thudc canh AB sao cho

AM =2MB va N 1a diém thuoc AC sao cho AN =k AC (k e R). Biét k =—%

(% 1a phén sb tdi gian, a,b 1a cac sb nguyén) sao cho dudng thing CM vudng goc véi duong
thang BN.
Tinh gia tri biéu thirc 7 =20182—-20195+5.

A. T=2017. B. T'=-2020. C. T =2030. D. T =-2030.
Loi giai
Chon B

H Véc to- Tich V6 Huéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin giti email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New

W:W-R‘:%E—R.

BN = AN — AB =k AC— 4B

Suy ra: CT\ZEN’:%(ZE—ZE’)(kZE’—ZE) =%zz;za_§zg2 _kAC" + ABAC

— —\2 ) - 2 2_ 2
(AB—AC) _CB < ABAC=2B +A§ BC _

6

BNJ_CM<:>k=—g

Theo gia thiét, tacod: a=6; b=7=T =2018.6-2019.7 +5 = —2020.
Ho va tén tdac gia: P6 Thé Nhat Tén FB: P6 Thé Nhat

Email: nhatks@gmail.com

Cau 360: Cho tam giac ABC ¢6 AB = ¢, AC = b va Z%' =60". Cac diém M, N duoc xac dinh boi
MC =—-2MB va NB =—-2NA. Tim h¢ thirc lién hé giira b va ¢ @& AM va CN vuéng goc véi
nhau.

A. 6¢* —5b* —4bc=0 B. ¢* —6b* —5bc =0
C. 4¢* —6b* =5bc=0 D. 4¢* +6b> —5bc =0
Loi giai

Chon C

Ta co: M—C‘z—zm@%—mz—ﬂﬂ—m)cﬂm=2E+R’
Tuong tu ta cling co: 3CN =2CA+CB

Viy: AM LCN < AM-CN=0 < (24B+AC)2CA+CB)=0
& (2AB+AC)AB-34C)=0 < 24B*-3A4C*-54B.AC=0

o zc2—3b2—%=o & 46 —6b2 —5he =0

Cau 361: Cho hinh chit nhat ABCD c6 AB= a, AD=2a. Goi M la trung diém AB, N la diém trén canh

AD sao cho AD = kAN. Tim k @& CM L BN.
A. k=79 B. k=38 C.k=8,1 D. k=7.8
Loi giai

Chon B
giai: Ta co Wz@-l-ﬁz—ﬁ—%ﬁ

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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H Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co

Group: Strong Team TOAN VD-VDC-New H

|

Cau 362:

ﬁZﬂ‘FEZ-E‘F%E
P& CMLBN thi CM.BN = 0

m.a%mg&][%%&]

. - 1—»2 1—»2 1 ——
Ma=ADAB——AD +—AB ——AB.AD
k 2 2k

_2 _2 5
—_1uap +1up = —1(261)2 +1g
k 2 K 2

— CM.BN =0 & —1(2a)2 vLle_g
! 5
41

S ——+—=0 k=28
k2

Vay k=8 thi CM L BN

Ho va tén tic gid: Nguyén Ngoc Duy Tén FB: Ngoc Duy

Email: nguyenngocduyakgl@gmail.com

Cho hinh binh hanh ABCD c6 duong chéo 16n 1a AC. Goi E, F lan lugt 1a hinh chiéu vuéng
goc cta C trén AB, AD . Biéu thic nio sau day 1a ding.

A. AB.AH + AD.AF = AC*. B. AB.AE + AD.AF = AC*.
C. AB.AE + AD.AH = AC". D. AB.AE + AD.AF = AC.AH .

Loi giai
Chon B
Vi E, F lan luot 13 hinh chiéu vudng goc cta C trén

AB, AD nén ta co:

AB.AE = AC.AB C

AD.AF = AC.AD H

Suy ra: @E+EF=R’(E+E)=R‘2 )

Do AC 1a dwdng chéo 16n nén ABC >90° va B nim

gitta hai diém A, E . Suyra AB.AE = AB.AE
Tuong ty ta c6: D nam giira hai diém 4, F . Suy ra AD.AF = AD.AF

Vay dang thirc (*) tro thanh: AB.AE + AD.AF = AC*.

Email: thuy.tranthithanhdb@gmail.com

Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com
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Ciu 363: Cho hinh thang vuong ABCD, duong cao AD=h, canh ddy AB =a,CD =b. Tim hé thic
giita a,b,h dé BD vudng goc trung tuyén AM cua tam giac ABC.

A. hzza(a+b). B. hzza(b—a).
C. h(h+b)=a(a+b+h). D. 2n° =a(a+b)
Loi giai

Chgn A

A a B

1
" M
D ~C

Thay A—Mzé(ﬁ+2(t’), ta co:
WL§5<:>ﬂ/[ﬂ?ﬁ:O@(E+E).§5=O@Z§.§5+ZE.§5:O (1)
més AB.BD - 4B.(AD - 4B) =~ —-d’

vi AC.BD ~ (4D + DC)(AD~ 4B) = AD - DCAB I ~ab

nén: (1)<:>h2 =a(a+b).

Ho va tén tic gii: Nguyén Quang Nam Tén FB: Quang Nam

Email: quangnam68@gmail.com

Ciu 364: Cho tam giac ABC vudng tai A noi tiép duong tron (O, R), M 1a diém chinh giita cung BC (
cung BC khong chira diém A). Chon dang thirc dung trong cac dang thirc sau:

A. MA=MB.sinC+MC.sin B B. MA=MB.cosC+MC.cosB

C. MA= MB.sin B+ MC.sinC D. MA=MB.cos B+ MC.cosC
Loi giai:

Chon C

Ta cb6 2MO.MA = MA® = 21\70.% = MA = 2sin A.M—O.% =sin A.MA (1)

Tuong ty 2sin B0 M8 _in BB (2), 2sin 0. M€ _ginc.mc (3)
MB MC
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|

Cau 365:

—sinA .MA +sin B.MB +sin C.MC =

= 2%(— sin A.M—A +sin B.@'f‘ sin C.M—C) =
MA MB MC

=2M0.0=0

A

N7

M

Ta s€ chiing minh —sin A.M—A+sin B.——+sinC.=—=0 *)
MA MB MC

That véy, (*) < —%MB.MC.sin AMA+ %MA.MC. sinB.MB + %MB.MA. sinC.MC =0

& -8 MA+S,MB+S.MC =0 ( dung)

(v6i S,,S,.S. 1an lugt 1 dién tich cac tam giac MBC, MAC, MAB)

Vay —MA.sin A+ MB.sin B+ MC.sinC =0 < MA.sin A= MB.sin B+ MC.sin C (¥)

Theo bai ra: sin 4 =sin90° =1 thay vao (*): MA = MB.sin B+ MC.sinC

Hp Tén: Luwong Thi Hwong Liéu Tén FB: Hwong Liéu Luwong

Email: lieuluong.290983@gmail.com

Cho tam giac ABC ¢6 BC=a, CA=b, AB=c. M la trung diém ciia BC, D la chan duong

~ —2
phan giac trong goc A. Tinh AD
2 4c

Loi giai

A. AD = (b+c)2 p(p—a)
- 4b

C. AD2 = (b_g)Z p(p—a)

Chon D

* Vi M la trung diém ciia BC nén AM = %(@ + A—C)

—2 4b
.AD = (b+z)2 (p—a)
—2 4b
D. AD = (b+z)2 p(p—a)
A

B~ DA ~C

M
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—2 1= =2 1(==2 _———— ——2
Suy ra AM =Z(AB+AC) =Z(AB +2ABAC + AC j

_ 1 ——2 —=2 —  ——\2
Ta c6 AB.ACzE[AB +AC —(AB—AC) }

:%[ABZ + AC? —CBZ} =%(c2 +b? —az) nén
Z(b2 +c2)—a2

4

—2
M- =1 2+2.l(c2+bz—az)+b2 =
4 2

* Theo tinh chat duong phan giac thi BD_AB _¢
DC AC b

Suyra BD =22 DC = SDC ()
DC b

Mat khac BD=AD- AB va DC = AC - AD thay vao (*) ta dugc

E—Ez%(?@—ﬁ)@(b+c)ﬁ=bﬁ+cﬁ

& (b+cf' AD" = (bAB) +2bcABAC +(cAC)
= (b + c)2 E)z =b%c? +2bc.l(c2 +b? —112)+c2b2
2

—2

< AD :(bf_cc)z (b+c—a)(b+c+a)

Hay Ez = 4be 5 p(p—a)
(b+c)

Ho va tén tac gia: Pham Thanh Trung Tén FB: Pham Thanh Trung
Email: trungthuong2009@gmail.com

Ciu 366: Trong cudc thi giai tri toan hoc to chirc nhan dip hoat dong chiao mimg Ngiy nha gido Viét
Nam c6 mét tro choi nhu sau: Nguoi ta thiét ké hai duong ray tao véi nhau mét goc 30° nhu
hinh v& duéi day. Trén cic duong thang Ox va Oy ngudi ta dé hai vat ning cung trong luong.
Budc hai vat thé v4i nhau béng mot thanh cing AB =1m sao cho mdi vat déu co thé chuyén
dong dugc trén hai duong ray. Noi hai vat bang mot soi gidy vong qua mot cot co goc tai O.
Nguoi tham du cudce thi s& dung tai vi tri diém B dé kéo vat thé chuyén dong trén Oy . Ngudi
thing cudc s& 1a nguoi kéo duoc vat thé ra xa nhit so voi diém gbc O. Hiy dung kién thirc toan
hoc dé tinh toan vi tri xa nhit ma nguoi tham du cude thi co thé dat duoc.
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2m. C. \/gm D. \/Em

Loi giai

A. 1Im.

I®

Chon B
+ Dbédt OB = x;04 = y(x, y > 0). Khi d6 theo dinh ly cosin ta co:

AB® =x* +y* —2xycos30° = x* +y° —\/gxy

Do d6 ta 6 hé thire: x* + 1> —3xy =1

Xét phuong trinh bac hai: y* —+/3xy+x>—1=0

Phuong trinh c6 nghiém y khi A=3x>—4(x*-1)>0<=0<x<2

Vay hoc vi tri xa nhét ma hoc sinh c6 thé dat duoc cach O mot khoang 1a 2m

Cau 367: Cho tam giac ABC c6 AB= ¢,BC=a,CA=b. Trung tuyén CM vudng gbc véi phan giac trong AL

va C—Mzﬁ Tinh cos 4.
AL 2

A. cosAzﬁ B. cosAzh C. cosAzﬁ D. cosAzl

2 4 2 2
Loi giai

Chon D

Taco: AL = AB+—S_AC
b+c b+c

M = CA;CB _ AB—ZZAC

Theo gié thiét: AL L CM <> ALCM =0

a(bﬁwﬁ)(ﬂz—zﬁ):o@bcz +hc? cos A—2ch? cos A—2ch> =0
< (c—2b)(1+cosA)=0=>c=2b(do cos 4> -1)

2, 2 2 272
H Khide: cpy2=bra ¢ _a-b

2 4 2
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2

AL =é(ﬁ+fc) é(ABZ + AC? +2TB.TC) =§(9b2 ~a’)

cM 3 cM® 9 AP- 3, .,
= —=————=—<a =3b
AL~ 2 A 49 -d* 4

b +c* —-at B 5b% —d?

1
2be 4 2

cosAd=

doantv.toan@gmail.com
Céu 368: Cho hinh chit nhat ABCD ¢6 4B =1;CD =3. Diém M thudc canh AD va N 1a trung diém BC

sao cho MN L BD . Phén sb téi gian m_ % c6 m+n bang bao nhiéu

n
A. 29. B. 18. C. 16. D. 27.
(Ho va tén tic gia: Tran Vin Doan, Tén FB: Trin Vin Poan)
Loi giai
Chon B
h'M i g
I N
y
Ta co §5=(32+§5)
ﬂzﬂQﬂ: m (:)E.V: m Rzkﬁ
n NC BC m+n m+n
W=MZ+ZE+H\/=[1¢—%)§E+ZE
—— R 1 11 11
BDMN =0 nén —149| k—-= |=0k=—= Sm=1Ln="7
2 18 11+7

Hy va tén tic gia: Nguyén Thi Théa Tén FB: Nguyén Thi Théa

Email: phamquynhanhbaby56@gmail.com
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Cau 369: Cho tam giac ABC oy AB=c . BC=a CA=b Goi M 1a trung diém coa AB va D la
chan duong phan gidc trong goc A4 cua tam giac ABC  Biét rang trung tuyén M vuong goc
vGi phan giac trong AD . Khi d6 dang thirc nao sau day ding?

A. b=2c. B. c=2b. C.a=b+c. D.c=a+b.
Loi giai
Chon B
Ta c6 D la chan duong phan giac trong goc 4 nén E: AB <
DC AC b

va DB, DC nguoc huéng suy ra lﬁz—%ﬁ@b.ﬁ%—c.D—C:ﬁ

AB + AC.
b+c b+c

Taco: AD =

Vi CM 1a trung tuyén nén CM = CA;CB = 48 _22AC .

Theo gié thiét: AL L CM < ALCM =0

o (bZEwZE)(ZE—HE) —0 < be? +bc? cos A—2¢b? cos A—2cb* =0

& (c—2b)(1+cosA)=0=>c=2b (do cos A>—1)
Vay ¢ =2b.

Cau 370: Cho tam gidc ABC déu ndi tiép (O;R). M 1a diém bét ki trén cung nho BC . Khi d6
A. MA=MB+MC B. MA> MB+MC
C. MA<MB+MC D. MA=2MB+MC
Loi gidi

Chgn A

R? =04 = (OM + MA)? = R* + MA*> + 20M .04

Ta co MA

= MA* +2.0M . MA=0=> MA+2.0M. MAZO

Tuong ty

mB+2.00. M8 _ g
MB

MC +2.0M. M—C=O
MC

Suy ra —MA+MB+MC+2W(_MA MB MC)
MA MB MC

H Véc to- Tich V6 Hwéng - Chil y: Sdn phdm chwa qua phdn bién, moi gép y xin givi email: Strongvdc@gmail.com

169



I Sdn phdm chuyén dé 16p 10 cta tdp thé cdc thdy co Group: Strong Team TOAN VD-VDC-New I

MA MB MC

i ———;——;—— la céc véc to don vi va doi mot tao v&i nhau mot goc 120° nén
MA MB MC
—MA+MB+MC=6,do d6 —MA+MB+MC =0
MA MB MC
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