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TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

TAI LIEU ON THI TOT NGHIEP THPT
DUA THEO CAU TRUC PE THAM KHAO NAM HQC 2020 — 2021

{ DANG TOAN 1: PHEP PEM — HOAN VI - CHINH HQP — TO HQOP J

KIEN THUC CAN NHO:

1. Quy tic cdng: Mot cong viée duge hoan thanh béi mot trong hai hanh déng. Néu hanh dong nay co6 m
cach thyuc hién, hanh dong kia c6 n cach thuc hién khong trung voi bat ki cach nao cua hanh dong
thir nhat thi cong viéc 46 co m+n cach thyc hién.

+ Néu 4 va B la céc tap hop hitu han khong giao nhau thi: n(4UB)=n(A4)+n(B).

2. Quy tic nhan: Mot cong viéc dugc hoanh thanh béi hai hanh dong lién tiép. Néu co m cach thuc hién
hanh dong thir nhét va g v&i mdi cach d6 co n cach thyuc hién hanh dong thir hai thi 6 m.n cach
hoan thanh céng viéc.

+ Dang toan tim sd cac s tao thanh: Goi s6 can tim c¢6 dang: Ic..., tuy theo yéu cau bai toan:
Néu s 1¢ thi s6 tan cing 1a s6 1é.
Néu s6 chan thi s6 tan cing 14 s6 chin.

3. Hoan vi: Chotdp Aco n (n>1) phﬁn t. Khi sép xép n phﬁn tir nay'theo mot thir ty, ta duwgc mot
hoan vi cac phan tir cia tap A ( goi tit 1a mot hoan vi cua A).

S6 cac hoan vi ctia mot tap hop cd n phan tir 1a
P =n!=nn-1)(n-2)..1.

4. Chinh hop: Cho tip hgp A gdm n phan tir va s6 nguyén k véi 1<k <n.Khildy ra k phan tir ciia A
va sip xép ching theo mot thir t, ta dugc'mdt chinh hop chap k cua n phan tir cia A (goi tit 1a
mot chinh hgp chap k cua A).

S6 cac chinh hop chap k ctia mot tap hop ¢6 n phan tir 1<k <n 1a

k n!

AL =n(n-1)(n-2)..(n-k+1) ==

(n—k)!

5. T6 hop: Cho tip A c6 n phan tir va s nguyén k voi 1<k<n.M?i tip con ctia A cd k phan tir dugc
duogc goi 1a mot t6 hop chap k ciia n phan tir ctia A ( goi tat 1a mot to hop chap k ctua A ).

S céac td hop chap k ctia mot tip hop ¢6 n phan tir (1<k<n) la

ck _Ay _n(n-)(n-2)..(n-k+1) __ n!
k! k! k!(n—k)!
CAU 1_DTK2021 Co6 bao nhiéu cach chon ra 3 hoc sinh tr mdt nhom c6 5 hoc sinh?
A. 5. B. 4. C. Gs. D. 5.
Loi giai
Chon C

MB&i cach chon ra 3 hoc sinh tir mot nhém c¢6 5 hoc sinh 1a mét t6 hop chap 3 cia 5 phﬁn t.

Do d6, sb cach chon ra 3 hoc sinh tir mot nhém ¢6 5 hoc sinh 1a C:.,3 cach.
Caul: Taphop M c6 12 phan tir. S tap con gom 2 phan tir cia M 14
A. 127, B. C},. C. 4. D. 4.

Cau2: Mottd cd 4 hoc sinh nam va 6 hoc sinh nir. Héi c6 bao nhiéu cach chon ra 3 hoc sinh trong do
¢6 2 hoc sinh nam?
A. C; +C,. B. C;.C;. C. 4; .4;. D. 4; + 4;.
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Ciu 3: Trong mot hop chtra sau qua cau trang duoc danh sb tir 1 dén 6 va ba qua cau den duoc danh sb
tr 7 dén 9. Co bao nhiéu cach chon mdt trong cac qua cau y?
A. 1. B. 3. C.6. D. 9.

Caud: Lop 12A c6 43 hoc sinh, 16p 12B ¢6 30 hoc sinh. Chon ngau nhién 1 hoc sinh tir 16p 12A va 12B.
Hoi ¢6 bao nhiéu cach chon?
A. 43. B. 30. C. 73. D. 1290.

Cau5: Tucacchitsb 1,2,3,4 ¢ thé lap duogc bao nhiéu sb tu nhién gém 1 chix s6?
A. 5. B. 3. C. 1. D. 4.

CAu 6: Ban mudn mua mot cay bat myuc va mot cay but chi. Cac cay but muc ¢6 8 mau khac nhau, cac
cay but chi cling c6 8 mau khac nhau. Nhu vay ban c¢6 bao nhiéu cach chon?
A. 16. B. 2. C. 64. D. 3.

CAu7: Ban can mua mot cay but dé viét bai. Bt muc co 8 loai khac nhau, but chi ¢6 8 loai khac nhau.
Nhu véy ban c6 bao nhiéu cach chon?
A. 16. B. 2. C. 64. D. 3.

Ciu 8:  Tur thanh phd A c6 10 con dudng dén thanh phd B, tir thanh phd B ¢ 7 con dudng dén thanh phd
C. Tir A dén C phai qua B, hoi ¢6 bao nhiéu cach di tir A dén C?
A. 10. B. 7. C.17. D. 70.
Cau 9: Mot nguoi vao cira hang in, ngudi d6 chon thue'don gdm 1 mén an trong 5 mon, 1 loai qua trong
5 loai, 1 loai nu6c udng trong 3 loai. Hoi cé bao nhiéu cach 1ap thyc don?
A. 73. B. 75. C. 85. D. 95.
Cau 10:  C6 bao nhiéu s c6 nam chit sb khac nhau dugc tao thanh tir cac chir s6 1,2,3,4,5,6 ?

A. 4. B. P. C.C:. D. B.

Ciu 11: C6 bao nhiéu cach sap xép" 6 hoc sinh thanh mot hang doc?
A. 6°. B. 5. C. 6!. D. 6.

Cau 12: Co6 bao nhiéu cach chon 3 hoc sinh tir mot nhom g6m 8 hoc sinh?
A. 4. B. 3°. C. 8. D. C;.

Céu 13: Mot cau lac bo co 30 thanh vién. Co bao nhiéu cach chon mot ban quan 1i gdm 1 chu tich, 1 pho
chu tich va 1 thu ki?
A. 4. B. C;,. C. 30!. D. 3!.

Ciu 14: Trong tran chung két bong d4 phai phan dinh thang thua bang da luan luu 11 mét. Huén luyén
vién cia mdi doi can trinh voi trong tai mot danh sach sip tht ty 5 cau thu trong 11 cau thu dé
da luan luu 5 qua 11 mét. Hoi hudn luyén vién ciia mdi doi s& c6 bao nhiéu cach chon?

A. C. B. 4. C. 5. D. 11!.

Céu 15: Cho da giac 161 20 dinh. S6 tam giac c6 3 dinh 1a 3 dinh cta da giac da cho 1a
Ca

A. 4. B. 2.

C. 20!. D. C,,.

Cau16: Mot to c6 7 hoc sinh nam va 5 hoc sinh nit. Hoi ¢6 bao nhiéu cach chon ra 6 hoc sinh trong do
¢6 2 hoc sinh nir?
A, A2A47. B. C..C;. C.C:+C;. D. A2+ A4;.
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

C6 15 hoc sinh giéi gdm 6 hoc sinh khdi 12, 5 hoc sinh khéi 11 va 4 hoc sinh khéi 10. Hoi
¢ bao nhiéu cach chon ra 6 hoc sinh sao cho mdi khdi co dang 2 hoc sinh?
A. C..C..C;. B. 4;.42.4;. C.C}+C:+C;. D. A} + A+ 4; .

Mot hop c6 8 bi xanh,5 bi d6 va 4 bi vang. C6 bao nhiéu cach chon ra 3 bi sao cho ¢6 ding 1
bi d6?
A. C.C,.C,. B. 4.4],. C. C.C},. D. 4,.4,.4, .

(M4 101 - 2020 Lan 1) C6 bao nhiéu cach xép 6 hoc sinh thanh mét hang doc?
A. 36. B. 720. C.6. D. 1.
(Ma 103 -2020 Léan 2) C6 bao nhiéu cach chon mét hoc sinh ttr mdt nhom gém 5 hoc sinh nam

va 7 hoc sinh nir 1a
A. 7. B. 12. C.5. D. 35.

Tt mot nhém hoc sinh gém 6 nam va 8 nir, c6 bao nhiéu cach chon ra mot hoc sinh?

A. 14. B. 48. C.6. D. 8.

Trén mit phang cho 2019 diém phan biét. Cé bao nhiéu veeto, khac vecto — khong c6 diém dau
va diém cubi dugc lay tir 2019 diém da cho?

A. 277, B. 2019°. C. Cly" D. A2,

Trong hop ¢ 4 vién bi xanh, 5 vién bi d6, 6 viénbivang. Ldy ngu nhién tir hop 3vién bi. SO
cach chon la
A. 9. B.C;+C}+C]. C.C},. D. 4.

Mot t6 ¢6 12 hoc sinh. Hoi ¢6 bao nhiéu cach chon 2 hoc sinh trong t6 1am nhiém vy tryc nhat.
A. 132. B. 66. C. 23. D. 123.

Lép 114 ¢6 32 hoc sinh, giao vién chi nhiém mudn chon ra 3 hoc sinh trong d6 mot ban lam 16p
truong, mot ban lam 16p phd, mot ban lam sao d6. Hoi gidao vién chi nhiém cé bao nhiéu cach chon.
A. 6. B. 3. C.C;,. D. 4, .

Can chon 4 ngudi di cong tac trong mot t6 ¢6 30 ngudi, khi d6 s6 cach chon la:

A. Cj. B. 4. C. 30" D. 4°.
Cho tap hop 4 ¢6 20 phan tir. Hoi A c6 bao nhiéu tap con gdm 6 phan ti?

A. Gy . B. 20. C. E. D. 4;,.
Mot hop chira 10 qué cau phan biét. S6 cach lay ra tir hop d6 cing liic 3 qua ciu la:
A. 720. B. 120. C. 10°. D. 3°.

Gia sir ta dung 6 mau dé to cho 4 nudc khac nhau trén ban do va khong c6 mau nao dugc ding
hai 1an. S6 cac cach dé chon nhitng mau can dung 1a

A. 4. B. 10 C.C,. D. 6*.

Tur céc chit sb 1;2;3;4;5 c6 thé 1ap duoc bao nhiéu s6 ¢6 4 chit s6 khac nhau?

A. 120. B. 5. C. 625. D. 24.
Cho tap hgp M c¢6 30 phan tir. SO tap con gdm 5 phan tir ciia M 1a

A. A B. 30°. C. 30°. D. C;,.
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Cau32: Tiu 7 chitsd 1, 2, 3, 4, 5, 6, 7 c6 thé 1ap dugc bao nhiéu sb tw nhién ¢ 4 chir sé d6i mot khac

nhau?
A7 B. B. C.C;. D. 4;.
Cau 33: Mot td co 10 hoc sinh. S6 cach chon ra 2 hoc sinh tir t6 d6 dé gilt 2 chue vu to truong va to pho
la
A. Ch. B. 4. C. 10°. D. 4.

Ciu 34: Cho 20 diém phan biét cing ndm trén mot dudng tron. Hoi c6 bao nhiéu tam giac duoc tao thanh
tir cac diém nay?

A. 8000. B. 6480. C. 1140. D. 600.
Cau 35: S tam giac xac dinh bai cac dinh ciia mot da giac déu 10 canh la

A. 35. B. 120. C. 240. D. 720.
{ DANG TOAN 2: CAP SO CONG — CAP SO NHAN }
KIEN THUC CAN NHO:

1. CAP SO CONG:
1.1. Pinh nghia: Cap s cong 1a mot day s6 (vo han hay hitu han) ma trong dé, ké tir s6 hang
thi hai, mdi s6 hang déu bang tong cta sb hang dimg ngay trude nd voi mot sé d khong doi,
nghia la
(u,) lacépsécong & Vn2Llu,, =u, +d <d=u,, —u, =u,—u, =u, —u,
S6 d duge goi 1a cong sai ctia.Cap $6 cong.
1.2. Dinh Ii 1: Néu (u,) 1a mot cdp-s6 cong thi ké tir s6 hang thir hai, mdi s6 hang (trir 6 hang
cubi ddi véi cap s6 cong hiru han)'déu 1a trung binh cong cia hai sb hang dimg ké né trong day,
U Uy '
2
H¢ qua: Ba s a, b, ¢ (theo thi ty d6) 1ap thanh mot cip sd cong khi va chi khi a + ¢ = 2b.

tacla u, =

1.3. Pinh li 2: Néu mot cip s cong c6 s6 hang dau u, va cong sai d thi s6 hang tong quat u,
ctia n6 duoc xéac dinh boi cong thire sau: u, =u, +(n—1)d .

n
1.4. Dinh Ii 3: Gia sir (u,) 1a mot cap sO cdng c6 cong sai d. Goi S, =D u, =u, +u, +...+u,
k=1

(S, la tong ciia n s6 hang dau tién cua cap sb cong).
n(u,+u,) n[2u+(n-1)d]
2 2 '

Taco S, =

2. CAP SO NHAN
2.1. Pinh nghia: Cép s6 nhan 1a mot diy so (hitu han hodc v6 han), trong d6 ké tir s6 hang thir
hai, mdi s6 hang déu 14 tich ctia s6 hang ding ngay trudc né véi mot s khong ddi q
S6 q duge goi 1a cong boi cua cip sd nhan

Neéu (un ) 1a cap s0 nhan voi cong bdi q, ta c6 cong thic truy hoi u,,, =u,.q véi ne N’

u .
g=—"Lu #0,VneN
u

n
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2.2. Pinh li 1. (S6 hang tong quat) Néu cap s6 nhan c6 s6 hang dau u, va cong bdi q thi sb
hang tong quat u, duogc xac dinh bgi cong thirc: u, =u,.q"" v6i n>2

2.3. Pinh li 2. Trong mot cip s nhan, binh phuong ctia mdi s6 hang (trir s6 hang dau va cudi)
deu 1a tich cua hai so0 hang dung ké voi no, nghia 1a

u; =u,_u,, voi k>2

2.4. Pinh 1i 3. Cho cap s nhan (u, ) véi cong bodi g 1

u |1-¢"
bat S, =u, +u, +...+u,. Khidé S, =¥
—-q

CAU 2_PTK2021 Cho cép s6 cong (u,) 6 u, =1 va u, =3 . Gié tri clia u; bang

Cau 1:

Caus:

Cau 6:

Cau 7:

Cau 8:

A. 6. B. 9. C. 4. D. 5.
Loi giai
Chon D
Goi d 1a cong sai ctia cap s6 cong (un)
Taco u,=u,+d <3=1+d = d=2
Dod6 u;=u,+d =3+2=5
Vay u, =5.
Cho cap s cong (un) Vo1 u, =2 va u, = 6. Congsai cia cép s6 cong da cho bang
A. 4. B. 4. C. 2. D. 2.
Cho cap s cong (un) vOi u, =2 vacongsai d =1. Khi do u, bang
A. 3. B. 1. C. 4. D. 2.
Cho cép s6 cong (u,) véi‘u,; =25 vacongsai d = 3. Khido u, bing
Aou =2, B. uy, =3. C.u =-3. D.u =-2.
Cho cap s6 cong (u, ) v6isd hang diu u, =1 vacongsai d = 3. Hoisd 34 la s hang thir may?
A. 12 B. 9 C.11 D. 10
Cho cap sb cong (un) voi u, =—21 va cong sai d = 3. Tong 16 s6 hang dau tién cia cap sd
cong bang
A. S, =24. B. S, =-24. C. §,,=26. D. §,, =-25.
Cho cép sb cong (un):Z,a,6,b. Khi d6 tich a.b bﬁng
A. 22. B. 40. C.12. D. 32.
Cho cap s6 nhan (un) Vo1 u, =—2 vacong boi ¢ =3. Khi do u, bang

A u,=1. B. u, =-6. C.u,=6. D. u, =-18.

A A A e A A N A A 2 A ’ - 5 A A
Cho cap s6 nhan (un) v6i sO hang dau u, =3 va cong bdi ¢ = —. SO hang thir ndm cua cap so
3

nhan bang
A 2L B. 2% c. -2, p. 1%
16 27 16 27
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Cau9: Cho cap sdnhan (u,) véi u, =1; ¢=3. Tim u,?

A. ulzl. B. u, =9. C.u =27. D. ulzi.
9 27
Cau 10: Cho cép s6 nhan (un) voi u, = —%; u, =—32 . Cong bdi cua cap sb nhan di cho bang
A. g==%2 B.qzi% C.g=+4 D. g =+1

Cau 11: Mot cap sb nhan c6 s6 hang dau u, =3, cong bdi ¢ =2. Tong 8 s6 hang dau tién ciia cip sd
nhan bang
A. S, =381. B. S, =189. C. S, =765. D. S, =1533.

Cau 12: Cho cép sb nhan (u,) vé6i sb hang dau u, =1 va cong bdi ¢ =2. Hoi sb 1024 1a sb hang thu
mAay?
A. 11 B. 9 C.8 D. 10

Ciu 13: Cho mdt cép sb cong co u, =2, u,=4.Hoi u, va cong sai d bang bao nhiéu?

A.u, =6vad=1. B.u=lvaid=1. C.u=5vad=-1. D.u=—lvad=-1.

Céu 14: Cho cép sb nhan (un) c6 s6 hang dau u, =5 va u/=-160. Cong sai g cua cap s6 nhan da cho

la
A.g=2. B. g=-2. C. g=3. D. ¢=-3.

Cau 15: (M4 101 - 2020 Lén 1) Cho cép s6 nhan(u, ) voi u, =3 vacong bi ¢ =2. Gia tri ciia u, bing

A S. B.9. C.6. D.%.

Cau 16: (M4 102 - 2020 Lén 2) Cho cap s6 cong (u,) v6i u, =9 vacong sai d =2. Gid tri clia u, bang

A. 11. B.%. C. 18. D. 7.

Cau 17: Cho cép s6 nhan (u,) voi u, =2 va u, =6. Cong boi cua cép s6 nhan da cho bang
A3 B. 4. C.4. D.%.
Cau 18: Cho cép s6 cong (un) Vo1 u, =3; u, =9. Cong sai cia cap s6 cong di cho bang

A. 6. B. 3. C. 12. D. -6.
Ciu 19: Cho cép sb cong (un) V61 u, =2 va u, =—10. Cong sai cua cap sb cong da cho bang

A2, B.3. C. 1. D. 2.
Ciu 20: Cho chp s6 nhan (1, ) véi u, =% va cong bji g = 2. Gié trj cia u,, bing

A. 2. B. 2’ C. = ..
2 2
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Ciu 21: Xacdinh x dé3s6 x—1; 3; x+1 theo thir ty 1ap thanh mot cap s6 nhan:
A. x=242. B. x=A/5. C. x=A+/10. D. x=3.
Cau 22: Cho cap sé nhan (u,) voi u, =3;u, =1. Cong bdi ciia cip s6 nhan da cho bang

A. % B. -2 C.3 D. 2

Cau 23: Cho cap sb cong (u,) voi u, =2; d =9.Khi d6 sé 2018 la s hang thr my trong day?
A. 226. B. 225. C. 223. D. 224.

Ciu 24: Cho cép s6 nhan (un) vo1 u, =3; g =2.Khido sO 48 1a s hang thtr may trong day?
A. 6. B.5. C. 3. D. 16.

{ DANG TOAN 3: XET TINH PON PIEU DUA VAO BANG BIEN THIEN VA PO THI }

KIEN THUC CAN NHO:
® Binh Ii (thira nhdn): Gid sir ham s6 y = f(z) cé dao ham trénkhoang K. y Déng bién
A
Néu f'(z) >0, Vo € K thi ham sé dong bién trén khodng" K . :
Néu f'(z) <0, Vo € K thi ham s6 nghich biénitrénkhodng K. /
Néu f'(x) =0, Yo € K thi ham sé khong doi trén khodng K. 0 \x
123 b "
: A
@ Hinh ddang do thi ~Nghich bién
Néu ham s6 dong bién trén K thi ti trdi sang phdi do thi di lén. %\
Néu ham s6 nghich bién trén K thi-tir trai sang phai do thi di xuéng. j -
— Néu fl(x) >0, Vo € K ( dau." =" xay ra tai mot sb hitu han diém hoac"Vd ha;n diem 11 tac trén

K) thi ham s dong bién trén khoang K.
— Néu fl(x) <0, Vo € K( dau " =" xay ra tai mot s6 hitu han diém hodc vo han diém rdi rac trén
K) thi ham s6 nghich bién trén khoang K.

CAU 3_PTK2021 Cho ham sb f (x) ¢6 bang bién thién nhu sau:

X — -2 0 2 +ao
£(x) - 0+ 0 -
1

+ 0
1
F(x) / \ \
— -1 —ao

Ham s d cho dong bién trén khoang nao, trong cac khoang dudi day?
A. (-22). B. (0;2). C. (-2;0). D. (2;+®).

Loi giai

Chon B
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Cau l:

Caiu 6:
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(M3 101 - 2018) Cho ham s6 y = f(x) 6 bang bién thién nhu sau

T —00 -1 0 1 +00

f(z) - 0 + 0 - 0 -+

+0o0 3 +00
-2 -9
Ham s6 dé cho nghich bién trén khoang nao dudi day?
A. (-10) B. (—;0) C. (1;+) D. (0;1)

Cho ham s6 y = f(x) c6 bang xét ddu dao ham nhur sau:

v |0 2 0 +o0
!

Y - 0 + 0 -

Ham s6 y = f(x) dong bién trén khoang nao dudi day?
A. (—2;0). B. (-3;1). C. (0;+00). D. (—oo;—2).

Cho ham s6 y = f(x) ¢6 bang bién thién nhu sau

X — -1

.
u 2 N

1P N N

Ham s6 dé cho dong bién trén khoang nao dudi day?
A. (-;0). B. (=151): C. (-1;0). D. (1;+ ).

=Y =T
|
|

Cho ham s6 y=—x"+3x +1. Khang dinh ndo sau day 1a dung?
A. Ham s6 ddng bién trén khoang (0;2) . B. Ham s6 dong bién trén khoang (—00; O).
C. Ham s6 dong bién trén khoang (2; +OO) . D. Ham s6 nghich bién trén khoang (O; 2) .

Cho ham sb y =f(x) c6 dao ham f'(x) =2x" +4—cosx, Vx € R. Ménh d nao dudi day ding?
A. Ham s6 nghich bién trén khoang (—00; 0). B. Ham s6 nghich bién trén khoang (1;+00).

C. Ham s nghich bién trén khoang (—l; 1) ) D. Ham s6 ddng bién trén khoang (—00; +oo) .
Cho ham sd f(x) c6 dao ham la f'(x) = (x—2)(x+5)(x+1). Ham s f(x) dong bién trén
khoang nao dudi day?

A. (2:40). B. (~2:0). c. (0:1). D. (=6:-1).

Cho ham s6 f(x) c6 dao ham la f'(x) =x° (x—l)2 (x+ 2). Khoang nghich bién ctia ham sd 1a
A. (—0;-2);(051). B. (—2;0);(1;+00).

C. (—0;-2);(0;400). D. (-2;0).
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Cau 8: Duong cong ¢ hinh bén la dd thi cua ham s y= i +Z voi a,b,c,d1a cac s6 thuc. Ménh dé nao
cx +
dudi day dung?
Vi
— R}
\G 7 ¥
A.y'<0,Vx=1 B.y>0,vxeR C.y'<0,vxeR D. y'>0,Vx=1

Ciau9: Cho hamsb f (x) ¢ do thi nhu hinh v&. Ham s6 da cho dong bién trén khoang nao trong cac

khoang sau day?
k AY /
1o 1]
A. (0;1). B. (—oos1). C. (-11). D. (-10).

Cau10: Cho hamsé f(x) c6 d6 thi nhu hinhv& bén. Ham s6 da cho nghich bién trén khodng nao trong

cac khoang sau?

A. (0;2). B. (—2;0). C. (—3;—1). D. (2;3).
Céu 11: Hinh bén 13 d6 thi ciia ham s6 y = f ’(x) .Hoihamsé y=f (x) dong bién trén khoang nao dudi
day?
4
o 1 2 X
A. (2;400). B. (L2). C. (0;1). D. (0;1)va (2;+00).
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Cau 12: Cho hamsd y = f(x) xéc dinh, lién tuc trén R va c6 dao ham f'(x). Biét rang ham s 1'(x)
¢6 d thi nhu hinh v& bén. Ménh dé nao sau dy dang?
vk

-3{ -2 r

A.Hamsb y= f(x) dong bién trén khoang (—2; O).
B.Ham s6 y = f(x) nghich bién trén khoang (O; + oo).
C.Ham s6 y = f(x) ddng bién trén khoang (—o0;-3).
D. Ham sb nghich bién trén khoang (—3; —2) .

Ciu 13: Cho hamsb f (x) c6 bang bién thién nhu sau:

T -0 -1 0 1 + o0

f(z) + 0o - 0 + 0 -

"N N

Ham s6 dé cho nghich bién trén khoang nao dudi day?
A. (—o03-1). B.(0:1). C. (-L0). D. (—0;0).

Cau 10 Cho ham sd y= f(x) xac dinh, lién tuc trén R va co bang bién thién

x| —0 0 1 +o0
y’ + 0 - 0 +
0 +o0

Y T~ —

Khing dinh nao sau déy 1a khang dinh dang?
A. Ham sb nghich bién trén R . B. Ham s6 nghich bién trén khoang (—oo; O).

C. Ham s6 nghich bién trén khoang (1; +oo). D. Ham sb nghich bién trén khoang (0;1) .
Cau 14: Chohamsd y= f(x) ¢6 bang bién thién nhu sau:

X —of -1 1 o0
V' + 0 - [ —

y \/{5 +00
Ham s d cho dong bién trén khoang nao dudi day?

A. (—00;\/5). B. (L;+00). C. (-L1). D. (—0;-2).

.
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Ciu 15: Cho ham s y= f(x) ¢6 bang bién thién sau:

-3

X |- -2 —1 +00
V' + 0 - - 0 +
-2 +o0 +00
—0 —0 0

Ham s da cho dong bién trén khoang nao dudi day?

A. (2;+40). B. (0;+0). C. (—3-2). D. (—%;HOJ :
Cau16: Chohamsd y= f(x) ¢6 bang bién thién nhu hinh vé:
X | —o0 -1 0 1 +00
V' - 0 + 0 - 0 +
+00 5 +00
3 3
Ham s6 dé cho nghich bién trén khoang nao dudi day?
C.

A. (—oo;—l). B. (3;5).

Cau17: Chohamsd y= f(x) ¢ d6 thi nhu hinh.vé

°

y A

(—00;3). —o0; 1

D. (

).

Khang dinh nao sau day ding?
A. Ham s nghich bién trén khoang (— 1; 1) .

B. Ham s ddng bién trén khoang (—1;3) .

=Y

C. Ham s6 ddng bién trén khoang (—o0;—1) va (1;+o0).

D. Ham sb dong bién trén khoang (—1;1).
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Cau 18: Cho hamsé y = f(x).Biétranghamsd f(x) c6 dao hamla f'(x) va ham s6
y = f"(x) c6 @b thi nhu hinh v& bén. Khi d6 nhan xét nao sau day 1a sai?

A. Ham s f(x) ddng bién trén (—2;1).
B. Ham s6 f (x nghich bién trén doan (—1;1).

F3

)
C. Ham séf(x) dong bién trén khoang (1;+oo).
D. Ham s f(x) nghich bién trén khoang (—oo;—2).

Cau19: (Mi 102-2018) Cho hamsé y = f(x) c6 bang bién thién nhu

sau:
T —00 -1 1 400

+ 0 0+
3 +00
‘o) / \ /
o ~,

Ham s d cho dong bién trén khoang nao dudi day?
A. (—1;+). B. (1;+0). C.(-L1). D. (—oo;1).

Ciu20: Chohamsd y = f(x) c6 bang bién thién nhu sau:

X |—oo -1 0 1 4o
Vv + 0 - - 0 +
2 400 +aC
—x —00 4

Ham s nghich bién trong khoang nao?
A. (-11). B. (0;1). C. (4;+0). D. (—;2).

Cau21: (Mi 102 — 2020 — Lan 2) Cho ham s§ y= f(x) c¢6 do thi 1a duong cong trong hinh bén. Ham
s6 d cho nghich bién trén khoang nao dudi day?

Ay

—— e e - ———

- - - - =
- — — — —

=Y

A. (—1;0). B. (—oo;—l). C. (0;1). D. (0;+oo).
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Chu22: (M4 103 2020 — Lan 2) Cho ham s6 y = f(x) 6 do thi 1a duong cong hinh bén. Ham s6 da

cho dong bién trén khoang nao dudi day?

A. (-1,0). B. (—o0;—1). _ C. (0;+00). D. (01).

Ciu 23: Cho hamsd y=f (x) ¢ d0 thi nhu hinh v& bén. Ham s da cho dong bién trén khoang nao

dudi day?

W

A. (—o0;-1). B. (-L1). Co(0;+0). D. (—og+00).

Cau 24: Cho hamsé y = f(x) c6 dd thi nhu hinh v& bén. Ham s6 da cho nghich bién trén khoang nao

dusi day?
A. (-L1). B. (—12). C. (1;2). D. (2;+00).

Cau 25: Cho hamsé y = f(x) c6 d thi nhu hinh v&. Ham s6 da cho ddng bién trén khoang nao?

A. (—0;0). B. (1;3). C. (0;2). D. (0;+00).
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Cau 26: Cho hamsé y = f(x) c6 dd thi nhu hinh v&. Ham s da cho nghich bién trén khoang nao?

A. (—l;l). D. (1;+oo).

DANG TOAN 4, 5: CUC TRI - SO CUC TRI CUA HAM SO KHI BIET BBT — PO THI —
HAM SO CHO BOI CONG THUC f(z) va f'(z)

KIEN THU'C CAN NHO:
-Dinh li cuc tri
o Diéu kién can (dinh li 1): Néu ham s6 y = f(z) c6 dao ham trén'khoang (a;b) va dat cwc dai
(hodc ciee tiéu) tai z thi f'(z)=0.
« Diéu kién dii (dinh li 2):
Néu f'(z) @oi ddu tir am sang dwong khi x di qua diém x'(theo chiéu ting) thi ham s6 y = f(x)
dat cuc tiéu tai diém T,
Néu f'(z) @oi diu tir dwong sang am khi © di'qua diém x_(theo chiéu ting) thi ham sé y = f(x)
dat cwc dai tai diém T,
e Dinhli 3: Gia sir y = f(z) 6 daoham'eap 2 trong khodng (x, —h; x4+ h), voi h > 0. Khi do:
Néu y'(z.) =0, y"(z.) >0 thi =_ladiém cuc tiéu.
Néu y'(z)=0, y"(z) <0 thi z la diém cuc dai.
- Cic THUAT NGU cin nhé
o Diém cyee dai (cuc tiéu) ciia ham soé la x_, gid tri cwe dai (cuc tiéu) ciia ham sé la | (z)
(hay y., hodc y..). Diém cuc dai ciia do thi ham sé la Mz ; f(z)).
y'(z)=0
M(z,3y,) €y = f(x)

19 i : 8 :
YT Gia tri cuc dai (cye dai)
ctia ham s6

e Néu M(z_;y ) la diém cuc tri cua do thi ham sé y = f(z) = {

P

2’(
vy (=2
«;. Z

o )
0 VS

¥ Ay
/'\ | Ppitm cuc rii‘u/

cuia ham so
Piém cue dai
ctia ham/sd 4

/ ]

I
s o - xS
Gia tri curc t!cu. Y,
{cure tiéu)
cua ham s6

o
(S
5 ’/))
3
(]
s

P f o SO
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¢ Dua vao bang bién thién:
-Néu x qua diém x, ma f'(x) doi tir dau (+) sang dau (-) thi x, 1a diém cyc dai.
-Néu x qua diém x, ma f '(x) d6i tir dau (—) sang dau (+) thi x, 1a diém cyc tiéu.

('s6 lan doi dau cua f '(x) chinh bang s6 diém cuc tri ciia ham s0)

CAU 4_DPTK2021 Cho ham sé f(x) c6 bang bién thién nhu sau

x — -2 2 +a
F(x) + 0 - 0 +
7(x) /’ 1 \ 3 /' -+
_:I: _—

Diém cuc dai ctia ham sb di cho 1a
A, x=-3. B. x=1. C.x=2. D.x=-2.
Loi giai
Chon D
CAU 5 PTK2021 Cho ham s6 f (x) 6 bang xét dau cua dao ham._f' '(x) nhu sau:
o ‘ " ) | 3 5 +0C

f(z) - 0 60 H4%W - 0

Ham sé f(x) c6 bao nhiéu diém cuc tri?
A4 B. 1. C.2. D. 3.
Loi giai
Chon A
Dua vao bang xét dau ta thay f(x) d6i dau khi di qua 4 diém x = -2;x =I;x = 3;x =5 nén ham

s6 y=f(x) c6 4 diém cyc tri

Caul: Chohamsd f(x) c6 bang bién thién nhu hinh v&.

X —00 1 3 +o0
J€9) + 0 = 0 +
400
) _1 /
/ \ -3

Piém cuc dai ctia ham sb da cho 1a
A. x=-3. B. x=3. C.x=-1. D. x=1.
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Chu2: (M 101-2020 Lan 1) Cho ham f(x) c6 bang bién thién nhu sau:

T —00 0 3 “+o0
f' () + o - 0+
+-oc
2
oo —5

Gié tri cuc tiéu ctia ham sb da cho béng
A. 3. B. -5. C.0. D. 2.

Chu3:  (Mi 102 - 2020 Lan 1) Cho ham sé f(x) c6 bang bién thién nhu sau.

T —00 -2 3 ~+00
(@) — 0 + 0 -

+o0
() \ . / 2 \
—0

Gié tri cuc dai cua ham sb di cho b@“mg
A. 3. B. 2. C. 2. D. -3.

CiAu4: (Mi 105 - 2017) Cho ham sb y= f(x) ¢6 bang bién thién nhu sau

x |—oo 0 2 +ao
v + ] - 1] +
2
4
L / \‘ /'
2 —5

Ménh d nao dudi day ding?
A. Ham sd dat cuc tiéu tai x=-5 B. Ham s6 c6 bon diém cuc tri
C. Ham s dat cyc tiéu tai x =2 D. Ham sb khong c6 cuc dai

Cau5: (M3 104 - 2018) Cho ham sb ¢6 d6 thi nhu hinh v& bén. S diém cuc tri ciia ham sb da cho la:
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Cau 6:

Cau 7:

Cau 10:

(M3 110 - 2017) Cho ham s6 y = f(x) c6 bang bién thién nhu sau

v | —x -2 2 +i
r

V + 0 - 0 +

Tim gia tri cuc dai y, va gia tri cuc tiéu Yer cua ham s6 da cho.
A yep=2va Y, =0 B. y,=3va y,=0
C.yp=3vay,=-2D.y,="2Va y,=2

(M4 103 - 2018) Cho ham sé y = ax* +bx* +¢ (a, b, c € R) c6 d6 thi nhu hinh v& bén.

y A
\ / _
@) x
S4 diém cuc tri ctia ham sb da cho 1a
A. 3 B. 0 C.1 D. 2

(P& Tham Khio 2020 — Lin 2) Chohdm sé f(x) c6 bang xét dau cia f*(x) nhu sau:

x | —00 -2 0 2 +o0
f'()] + 0 - 0 + 0 +
S6 diém cuec tri ctia ham s6 da cho la
A. 3. B. 0. C.2. D. 1.

(M3 101 - 2020 Lén 1) Cho ham s6 f(x) lién tuc trén R va c6 bang xét dau cua f*(x) nhu

Sau:

x ‘ —0 ~1 0 1 2 +o0

ol e e o

S4 diém cuc dai ciia ham sb da cho la
A. 4. B. 1. C.2. D. 3.

(M4 102 - 2020 Lan 1) Cho ham /(x) lién tuc trén R va co bang xét dau f"(x) nhu sau:

x| -1 0 1 2 s
e | - 0 + o0 - + o0+
S6 diém cuc tiéu cia ham sb 1a
A. 1. B. 2. C. 3. D. 4.
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

(M4 103 - 2020 Lan 1) Cho ham s6 f(x) lién tuc trén R va c6 bang xét ddu cua f”(x) nhu

sau:
4y | —0 -2 1 2 3 +o00
f'(z) - 0 4+ 0 - H + 0+
S4 diém cuc tiéu cta ham sb da cho 1a
A. 2. B. 4. C. 3. D. 1.

(M3 104 - 2020 Lan 1) Cho ham s6 f(x) lién tyc trén R c6 bang xét dau f'(x)

X | —0 -2 1 2 3 +00

f'(x)| +O—O+||—0—
S6 diém cuc dai cua ham sb da cho 1a:
A. 3. B. 1. C.2. D. 4.
(M4 101 - 2020 Lén 2) Cho ham s6 f'(x) c6 daoham f*(x)=x(x—1)(x+ 4)3 ,VxeR.SH
diém cuc dai ciia ham sd d3 cho 1a
A. 3. B. 4. C.2. D. 1.
(M3 103 - 2020 Lan 2) Cho ham sé f(x) c6 daoham f'(x)=x(x+1)(x-4)’, VxeR. S§
diém cuc dai ciia ham sd d3 cho 1a
A. 2. B. 3. C. 4. D. 1.
(Mi 104 - 2020 Lan 2) Cho ham s& £ (x) ¢6 f'(x)=x(x+1)(x—4)’,VxeR. S6 diém cuc
tiéu ctia ham sd da cho 1a
A. 4. B: 3. C.1. D. 2.
(M 102 - 2020 Lén 2) Cho ham s§ f(x) c6 dao ham f"(x)=x(x—1)(x+4)’,vxeR. S diém
cuc tiéu cua ham sd di cho 1a
A. 2 B. 3 C. 4 D. 1
(M3 101 - 2019) Cho ham s§ f(x) c6 dao ham f(x)=x(x + 2)2 VxeR S6 diém cuc trj cta
ham sb da cho 1a
A. 2. B. 1. C.0. D. 3.
(M3 103 - 2019) Cho ham s6 f'(x) c6 dao ham f'(x)=x(x—1)’, Vx € R. $b diém cyc tri ciia
A. 2. B. 0. C. 1. D. 3.
Cho ham s f(x) c6 dao ham f’(x) =X (x - 1)(x —2),‘v’x eR. Sb diém cyc tri ciia ham s6 da

cho la
A. 1. B. 3. C.5. D. 2.

Ham sd y=f(x) c6 dao ham f'(x)=(x—1)(x—2)...(x—2019), Vx e R. Ham sb y=f(x)

¢6 tit ca bao nhiéu diém cuc tiéu?
A. 1008 B. 1010 C. 1009 D. 1011
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Cau21: Diém cuc dai ctia dd thi ham sd y=x"—6x"+9x cob téng hoanh d¢ va tung d bﬁng
A.S. B. 1. C. 3. D. -1.
Cau 22: Tim gia tri cyc tiéu y., ciahamsdy=—x"+3x—4.
A. Yo =—6 B. yo, =—1 C.Yor=-2 D. y,=1
Cau 23: Gia tri cuc tiéu y,., ciahamsd y=x"-3x"+4 la:
A. y;=0. B. y.,=3. C.y,=2. D. y,=4.

Cau24: Chohamsb y=f(x) c6 bang bién thién nhu hinh v&. Ham s6 ¢6 bao nhiéu diém cyc tri?

X |— x X, X, X, x; +30
v N -0 + 0 + | -0 4
oo | 4o V3 +a0
¥ / \ ) / \ . /
—of J1 3
A. 4. B. 2. C. 3. D. 5.

Cau25: Chohamsd y=f (x) ¢6 bang bién thién nhu hinh v&. Ham s6 c6 bao nhiéu diém cuyc tri?

X —00 =g 0 1 +0
f'(x) rS 0 - 0 + 0 4
f(x) 12) v
—0 ' - f(0)
A. 3. B. 1. C.0. D. 2.

Cau26: Chohamsd y= f(x) xac dinh trén R va c¢6 d6 thi ham s§ y = f'(x) la duong cong &
hinh bén. Héi ham s6 y = f (x) ¢6 bao nhiéu diém cyc tri?

Y

\/ © \ z
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Céu27: Chohamsé y=f(x). Himsd y=f"(x) c6 do thi nhu hinh bén.

y

Tim s6 diém cuyc tri cia ham s6 y = f(x).
A. 3. B. 1. C.0. D. 2.
Cau28: Cho ham sé y=/(x) c6 dd thj hinh bén. Him sb y = f(|x|) ¢6 bao nhiéu diém cuc tri?

by

2

A. 3. B. 1. C. 2. D. 5.

Cau29: Chohamsd y= f(x) lién tuc trén'\ R va c6 d6 thi nhu hinh v&. Hoi do thi ham s6 y = |f(x)|

co tat ca bao nhiéu diém cuc tri?
y

\

A. 5. B. 3. C. 2 D. 4.

Cau30: Chohamsb y= f(x) c¢6 bang bién thién nhu sau:

X | —oo -2 4 +00
V' + 0 - 0 +

y_oo/6\2/

Do thi hamsé y = f (|x|) ¢ bao nhiéu diém cuc trj?

A. 3. B.2. C. 4. D. 1.

+00
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Cau3l: Chohamsb y= f(X) c6 dao ham lién tuc trén R . D6 thi ham s y =f'(x) nhu hinh vé sau:

AV
4
:
I
i
1
i
l €
- 2
1
i
I
!
:
1
- -
[ -1 o 1 x
S4 diém cuc tri cia ham s6 y = f(x) —5x 1a;
A. 2. B. 3. C. 4. D. 1.
CAu32: Chohamsé y=/(x) c6 dd thi nhur hinh du6i day
y
0 :
S6 diém cuec tri ciia dd thi ham s§ y = | f (x)| la
A. 3. B. 2. C. 0. D. 5.

Cau33: Chohamsd y = f(x) lién tuc trén R . Biét do thi cia ham sé y=f"(x) nhu hinh v&
Y

(0]
-1 1 X

86 diém cyc tri ciia ham s6 y = f'(x) 1a

A. 4. B. 0. C. 2 D. 3.
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Ciu34: Chohamsd y = f(x) c6 dao ham trén R va d0 thi cia ham s6 y = 7(x) nhu hinh dudi day

\ -~y

SO diém cuc dai cia ham s0 y = f(x) la

A. 0. B. 2. C. 1. D. 3.
Cau35: Chohamsé y= f(x) c6 bang bién thién nhu hinh bén.
X | =o0 -1 0 1 +0
i - 0 + 0 — +

TNl L

Toa d6 diém cuc dai ctia dd thi ham sb y=f(x) la
A. x=0. B. (-1,—4). C.(0;-3). D. (L,—4).

Cau36: Chohamsd y= f(x) c6 dd thi nhu hinh v& bén dusi. Trén doan [-3;1] ham s6 da cho c6 may
diém cuec tri?

322 o 1z

A. 1. B. 2. C.3. D. 4.

Cdu37: Cho hamsd y = f(x) c6 dd thi nhu hinh v& bén dudi. Hoi dd thi ham sé y=|f(x)| o tat ca
bao nhiéu diém cuc tri?

VA

C. 4. D. 5.
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DANG TOAN 6: TIEM CAN CUA PO THI HAM SO BIET BANG BIEN THIEN — PO TH] -
BIEU THUC HAM SO

KIEN THUC CAN NHO:

1. Pwdng ti€ém cin dirng
Dinh nghia:
e Duong thing x = X, dugc goi la dudng tiém cén ding cua dd thi ham s& y = f(x)néu it nhét
mot trong cac diéu kién sau day duogc thda man:

lim f(x)=400; lim f(x)=—o0; lim f(x)=+c; lim f(x)=-o0
x—x," x—x," x—Xx, x—Xx,

2. Puong ti€ém can ngang.
Dinh nghia:
e Puong thang y = Yo dugc goi la duong tiém cin ngang cua d6 thi ham s6 y = f(x)néu it nhét

mot trong cac diéu kién sau duge théoa man: lim f(x) = Yo Im f(x)=y,
X—>+00 X—>—00
Chu y:

£ P(x)
-N = =
Y= O(x)

1a ham s phan thirc hitu ty.

- Néu Q(x) = 0 c¢6 nghiém 12 xo, va xo khong 1a nghiém ciia P(x) = 0 thi d0 thi c6 tiém can ding

la X=X,

- Néu bac (P(x)) < bac (Q(x)) thi d6 thi-co:tiém can ngang.

2 3 : 2x+4 ,
CAU 6_DTK2021 Tiém can dung cua d6 thi-ham s6 y = i la duong thang:
x —
A. x=1. B.x=-1. C.x=2. D. x=-2.
Loi giai
Chon A
lim y = +o0
Taco .HF = D0 thi ham 6 c6 mot duong tiém can dung la x=1.
lim y = -

x—1"

la

A ‘n A , A 1 L K X—
Cau2: Tiém can ngang ctia do thi ham so y = N
X+

A y=-2. B. y=1. C.x=-1. D. x=2.
Cau3: Chohamsb y= f(x) c6 lim f(x)=1valim f(x)=-1.Khang dinh nio sau day la khang dinh

dang?

A. Do thi ham sb da cho c6 hai tiém cén ngang 1 cac duong thang x =1 va x=—1.
B. D6 thi ham s6 da cho khong c6 tiém can ngang.

C. D) thi ham s6 di cho c6 dung mot tiém can ngang.

D. D6 thi ham sb da cho c6 hai tiém cén ngang 1a cac duong thang y =1 va y=—1.
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5 . . 4x+1
Cau4: (Ma101-2020 Lan 1) Tiém can ngang cua d6 thi ham so y = x+1 la
X—
1
A.yzz. B. y=4. C.y=1. D. y=-1.
Caus5: (M4 102 - 2020 Lin 2) Tiém can démg cta dd thi ham sé y = > ‘3 la
Y—
A, x=-3. B. x=-1. C.x=1. D. x=3
Cau6:  (Ma 103 - 2019) Cho ham s6 y = f'(x)c6 bang bién thién nhu sau:
L - D 3 Lo
¥ - - 0+
1 2 3
} \ \ /
o -3
Téng s6 tiém can ding va tiém can ngang cua dd thi ham sé.da.cho la:
A. 2. B. 3. C.4. D. 1.
Cau7: (M4 102 -2019) Cho ham sé f(x) c6 bang bién thién nhu sau
x —an 0 1 +
¥ - 0
¥ 0 2 +o
\ B \_,} /

i

Téng sb tiém can dtng va tiém cén ngang cua dd thi ham sb di cho 1a
A. 1. B. 2.

C. 4. D. 3.
Ciu 8: Cho ham sd c6 bang bién thién nhu hinh sau
X |- -1 0 1 +o0
» - +

+o0
y /
-4

2

__— \_x_x /-1

Téng sb duong tiém can ngang va tiém cén ding cla dd thi hamsb y=f (x) la
A. 3. B. 2.

-0

C. 4. D. 1.

Gido vién: Huynh Vin {l'nh — 42 Nguyén Cuw Trinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 24
Chuyén luyén thi: Tuyén sinh vao lop 10 TP. Hué — Tot Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cau 9:

Cau 10:

Cau 11:

Cho db thi ham sé y = f (x) nhu hinh bén. Khing dinh nao sau day 1 dang?

yA

A. D6 thi ham sd ¢6 tiém cén dung x=0, tiém cén ngang y=1.
B. Ham s6 ¢6 hai cuc tri.

C. D6 thi ham s6 chi c6 mot dudng tiém can.

D. Ham sb dong bién trong khoang (—00;0) va (0;+ ).

Cho ham sb y = f(x) c6 bang bién thién nhu sau

x —o0 1 +o0
v + +
/ i
Yy 2 2
B /

Téng sb tiém can ngang va tiém can dung cua dd thi ham sb di cho 1a
A. 4. B. 1. C. 3. D. 2.

Cho ham sb y = f(x) ¢6 bang bién thién nhu sau

z |—o0 -2 0 +00
y - + -
¥ | ol \
l _x/ )
Tong s6 duong tiém can ding va tiém can ngang cua d6 thi ham sé da cho bang
A. 2. B. 1. C.0. D. 3.
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Cau12: Chohamsb y=f (x) lién tyc trén R\ {1} ¢6 bang bién thién nhu hinh v&. Téng s6 duong tiém

can dtng va duong tiém can ngang cua d6 thi ham sé6 y = f (x)

X —of -1 1 400
V' - 0 + +
1 \ / +=4
¥ -2
-1
» /

A. 1. B. 4. C. 2. D. 3.

Cau13: Chohamsd y= f( x) c¢6 bang bién nhu sau:

X | —eo -3 3 +0 |
y' - + +
400 +o0 0
0 —0 —0
S6 duong tiém can cla do thi ham sb la:
A.3 B. 1. C.4. D. 2.
A 2 FP A A 4 N AR s s A ¥’ =3x+2 .
Cau 14: Tong so duong ti€ém can ding vatiém can ngang cua do thi ham sd y = R la
- X
A. 2. B.'1. C. 3. D. 4.
/ 2
Ciu 15: Tong s6 dudng tiém can dimg va tiém can ngang ciia d6 thi ham s y = % la
x+
A. 1. B. 3. C.2. D. 0.
Cau 16: Cho hamsb y = f(x) ¢6 bang bién thién nhu hinh v&.
X —oiD 0 3 a0
¥ - - 0 +
0 +x 3
¥ \ . \‘ 3 ///'

Tong s6 duong tiém can ding va tiém can ngang cua do thi ham sb da cho 1a
A. 2. B. 4. C. 3. D. 1.
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Ham sé y = f(x) c6 bang bién thién duéi day.

X | —0 -2 0 1 +00
T — T
-1 2 3
—o0 —4 0
Tong s6 duong tiém can ding va tiém can ngang cua do thi ham sé y = f (x) la
A. 2. B. 1. C. 3. D. 4.
S TR, 5 £ 2 X 11y A mx+2 \ ‘A A
Tim tat ca gia tri thyc ciia tham so 7 dé do thi ham so y = " c6 duong tiém can ngang.
—X
A. VmeRR. B. Vm = -2. C. Vm#2. D. Vm;é%.

X =2x+m*+1

Cho ham sé y = c6 0 thi 1a (C). Tim tat c4 céc gia tri thuc ciia tham s6 m dé

x_
dd thi (C) 6 tiém can dimg.
A. m#0. B. m=0 C. me®@ D. meR

Cho ham sd y = f(x) c¢6 bang bién thién nhu hinh dwdi. Hoi db thi ham s6y = f(x) ¢ bao nhiéu
duong tiém can:

x —a0 -1 0 1 40
v + —~ 0 + +
y 1 4= 40 3
_T/ \ | / 3 /
A. 3. B. 4. C.2. D. 1.

Cho d6 thi mot ham s ¢ hinh v& nhu hinh dudi déy.

¥

Hoi db thi trén c6 bao nhiéu dudng tiém can?
A. 4. B. Khong c6 tiém can. C. 2. D.3
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Cau 22:

Cau 23:

Cau 24:

Cho d6 thi ¢6 hinh v& nhu hinh duéi day.

¥

Biét d6 thi trén 14 dd thi cia mot trong 4 ham sd & cac phuong 4n 4, B, C, D duéi day. Chon
phuong an tra 161 ding?

w

C_y:x__l' D.y:x_-l-l
x+1 x—1

A.)}:2x+1_ B.y:x_
x—1 X—

—_—

Cho ham s y = f(x) c6 dd thi nhu hinh v& dudi day.

;},

/
/ 2l .

Hoi do thi ham sb y= ‘f(x)‘ c6 tiém can ngang 1a?

-

A y=1va y=-2. B. y=-1vay=-2. C.y=1vay=2. D. y=2.

Cho ham s6 y = f(x) xéac dinh trén R\ {0} , lién tuc trén mdi khoang xac dinh va co bang bién

thién nhu sau

T —o0 0 1 +00
Yy’ - + 0 -
+eo 2
! \ / \
1] o o

Hoi d6 thi ham sd trén c6 bao nhiéu duong tiém can?
A. 0. B. 1. C.2. D.3
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Cau 25:

Céu 26:

Cau 27:

Choham s0 y = f(x) xéc dinh trén R\{-11}, lién tyc trén mdi khoang xac dinh va c6 bang bién

thién nhu sau

V' - _ ” _ _

o .y

—n —o

Hoi khing dinh nao dudi dy 13 khing dinh ding?

A. Ham s6 c6 tiém can dimg x=1 va x=—1.

B. B4 thi ham s6 ¢6 mot tiém can dung 1a x=0.

C. Db thi ham s6 c6 mot tiém can dimg 1a X =—2 va mot tiém cén ngang y =1.

D. D6 thi ham sb ¢6 hai tiém cin ngang la cac dudng thing y=-2 va y=2.

Cho ham s6 y = f(x) x4c dinh trén R\ {1}, lién tuc trén mdi khoang x4c dinh va c6 bang bién

thién nhu sau

b

x —o0 1 +c0
y — 0 +
—+aoC
10
y
2
-3

S6 tiém cén cua dd thi ham s6 da cho 1a?
A. 1l B. 2. C.0. D.3

. 0 G X g Z 2x+1 . n .2 Z
Gia st duong thang (d): x=a,(a>0)cat do thi ham s6 y= i tai mot di€ém duy nhat,

biét khodng cach tir diém d6 dén tiém can ding cua do thi ham s6 bang 1; ki hiéu (x,;y,)1a
toa do cua diém d6. Tim Yo

A y,=-1. B.y,=5. C.y,=1. D.y,=2

0
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{DANG TOAN 7: NHAN DANG PO THI CUA HAM SO VA HE SO CUA BIEU THUC HAM SOJ

KIEN THUC CAN NHO:

HAM SO TRUNG PHUONG y =ax*+bx’ +c (a=0)

a>0 a<0

Phuong trinh y'=0 ¢c6 3
nghiém phan biét
(Ham s ¢6 3 cuc tri ab<0)

Y Y
Phuong trinh y'=0 c0 1
nghiém. / \
(Ham s6 ¢o 1 cuc tri ab> 0) v / - / 0 \ z

HAM SO BAC BA y=ax’+bx*+cx+d (a=0)

a>0 a<0

Y u

Phuong trinh y'=0 ¢0 2
nghiém phan biét

Phuong trinh y'=0 ¢6 nghiém

kép.
* / .

[ [

Phuong trinh y'=0 vo6 nghiém.

TN
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HAM SO PHAN THUC HUU Ti y = j’”g (c#0.ad —bc #0)
X+
D=ad-bc>0 D=ad-bc<0
Y Y
0/ v 0 T

DANG: XET DAU CUA CAC HE SO HAM SO THONG QUA PO THI

BANG BIEN THIEN
PO THI HAM SO

A 4

a : Dya vao hudng di 1én, xudng cia

g ok Kiys 4R 4t
diem cuoi” do thi

| o Dira vao giao diém cia do thi véi truc Oy

y= @’ +bx" +ex+d

=V =3ax’ +2bx+c

U @
TrénOx :d>0

—“J|rDu'di Ox :d<0| (**)

TaiO :d=0

DAU CAC HE SO

>—>|O cue tri: 3ac = b —=242_, pay c|

H» ¢ : Duta vao cuc tri —

2 cyc tri : Dd xg X <

>0:ac>0 . ”
%Daur
<0:ac<0

0 cye tri : Daux,_

n=—%a—)m“ Diu b

s

“»| b : Dua vao cure tri —

v [ A

) i . Dfu x -
2 cufc tri : Diu x4 +.\U<

>0:ab<0 g,

<0:ab>0

Diu b

a: Duavao (¥)

¢ : Dya vao (*¥)

Diva

b : Dyra vao cue tri

lewcti:ab20—"2 5 Diubd
3 et tri: ab<0—2229 5 Day bl

L—pDya vio tinh ddn diéu <

Hs nghich bién — ad —be <0

—»| Dua vao giao diém db thi va Ox — Dauab (1) (1) +(2)
I—)
—»| Dua vio TCN y = c/a — Dauac (2) (3)+(4)
L ax+b N “ c oF B A
= d Dua vao giao diem do thi va Oy — Dau bd (3) (1)+(3)
| Dura vao TCD x = - dle —Diaude (4) (2)+(4)
Hsddng bin —ad—bc>0| — |
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CAU 7_PTK2021 D6 thj ciia ham sb nao duéi ddy c6 dang nhu dudng cong trong hinh bén?

Ay =—x*+2x-1. B. y= x*-2x?-1. C. y= x>-3x-1. D, y =—x>+3x% —1.
Loi giai
Chon B
Ttr hinh v& ta thiy d6 thi 1a hinh dang d6 thi ctia ham tring phwong, ¢6 hé sé caa x* 13 duong.
Cau1: Do thi cua ham sb nao dudi ddy co dang nhu dudng cong trong dudi day?

by

A y=—x"+2x. B. y=x'-2x". C.y=x*-3x*. D. y=-x>+3x*.

Cau2: Do thi cia ham sb nao dudi diy co dang nhu dudng cong trong hinh bén?
Y

-
|

A. y=x-3x. B. y=—x’+3X. C.y=x"-2x. D. y=—x"+2x°.
Cau3: (M4 101 - 2020 Lan 1) D6 thi ham s6 nao dudi day c6 dang nhu dudng cong trong hinh bén?
v
o e

A y=x>-3x*+1. B. y=—xX>+3x*+1. C.y=-x"+2x*+1. D. y=x*'-2x*+1.
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Cau 4: (M4 104 2017) Pudng cong hinh bén 1a dd thi ciia mot trong bén ham sb du6i ddy. Ham sb d6
14 ham sb nao?

Ay

B

A y=—x}+3x+2 B. y=x'-x*+1 C.y=x"+x*+1 D. y=x®-3x+2
Cau5: (M4 102 - 2020 Lan 2) Do thi ciia ham sé nao dudi day c6 dang nhu duong cong trong hinh
bén?
A

VT

A y=—x"+2x*-1. B.y=x'-2x"-1.\ C.y=x-3x*-1. D.y=-x+3x*-1.

Cau 6: (M4 103 2018) Puong cong trong hinh/ V& bén 1a do thi cia ham sb nao duéi day?

V' N
y
N\ X
O L4
A y=x"-3x-1 B.y=x"-3x’-1 C.y=-x-3x-1 D.y=-x'+x*-1
Cau 7: Hinh v& bén dudi la dd thi cua ham sb nao
L
A.y:x—_l. B.y:2X+1. C.y:ZX_3. D.y:2X+5.
X+1 X+1 X+1 X+1
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Cau 8: P thi cia ham sé nao dudi ddy c6 dang nhu duong cong hinh duéi?

v
e -
() £
y= x+l B. y=x"+2x C y—x;2 D y—iz
2x+2° = | AN AT
Cau 9: Db thi cia ham sé nao dudi ddy c6 dang nhu duong cong hinh duéi?
of
— < e
2X+3 2x+3 2X+3 2X+3
A y= . B.y= . C.y= : D.y= .
y 2x-1 y 1-2x y 1-2x y x-1
Cau 10: Do thi cia ham sb nao dudidayco dang nhu dudng cong hinh dudi?
"\
()
-
£x
A y=x-3x2. B. y=—x"'+4. C.y=x'-2x"+1. D.y=x"-4x°
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Cau 11: Db thi caa ham sé nao dudi ddy c6 dang nhu duong cong hinh duéi?

by
o
() X
A y=x3-3x°. B.y=-x*+2x*-2. C.y=-x"+2x*+2. D. y=—x"-2
Cau 12: Chohamsd y= 2‘“3 ¢6 d0 thi nhu hinh v& bén. Ménh dé nao duéi day dung?
X+
Ay
— .
o B

A. ac>0,bd >0. B. ab<0,cd <0. C. bc>0,ad <0. D. bc<0,ad >0.

Cau 13: Cho ham sé y=ax*+bx?+c ¢6 dd thi nhu hinh v& bén. Ménh dé nao dudi day ding?

Ay
-
) T
A. a<0,b>0,c>0. B. a>0,b<0,c>0. C. a<0,b>0,c<0. D. a<0,b<0,c>0.
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Cau 14: Cho hamsd y=ad +bx®+cx+d co do thi nhu hinh v& bén. Ménh dé nao dudi day ding?

& Y
/N _
() £
A. a>0b>0,c=0,d>0. B. a>0,b<0,c>0,d>0.
C.a>0b<0,c=0,d>0. D. a>0,b<0,c<0,d>0.
Cau 15: Cho ham s6 y=ax®+bx?+cx+d c6 d6 thi nhu hinh v& bén. Trong bén s a,b,c,d ¢d bao nhiéu
$6 Am?
by
-
() £
A. 3. B. 1. C. 2. D. 4.

Cau 16: Chohamsd y=ax’*+3x+d (a;d el ) ¢6 dd thi nhu hinh bén. Ménh dé nao duéi day dung?

¥

VA

A.a>0,d>0. B. a<0,d>0. C.a>0,d<0. D. a<0,d <0.
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Cau 17: (P& Tham Khio 2020 Lin 2) Cho ham s6 f (x)= ;‘X +1 (a,b,cel]) cé bang bién thién nhu
X+C

sau:
€T —00 2 +o0

['(x) + +
+00 1

o -

1 —00

Trong cac sd a,b va ¢ c6 bao nhiéu s6 duong?
A. 2. B. 3. C. 1 D. 0.

Cau 18: (M4 101 - 2020 Lén 1) Cho ham s6 y=ax®+bx’+cx+d (a,b,c,d e[1) c6 do thi la duong
cong trong hinh bén. C6 bao nhiéu s dwong trong cacsé a, b, ¢, d?

Y

0 E

A 4. B. 1. C. 2. D. 3.

Cau 19: (M4 102 - 2020 Lén 1) Cho ham'sé y=ax’+bx’ +cx+d (a,b,c,d € ) c6 dd thi la duong
cong trong hinh bén. C6 bao nhiéu s6 duong trong cac hé s6 a,b,c,d ?

Y

S/ T
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Cau 20: (M4 103 - 2020 Lan 1) Cho ham s6 y=ax*+bx’+cx+d(a,b,c,d €[] c6 dd thi la duong
cong trong hinh bén. C6 bao nhiéu s dwong trong cac s6 a,b,c,d ?

lly

VA
C.1. D. 3.

Cau21: (Ma& 104 - 2020 Lan 1) Cho ham s y=ax’+bx’+cx+d(a,b,c,d eR) c6 dd thi la duong
cong trong hinh bén. C6 bao nhiéu sb duong trong cac sé a, b, c,d ?

I
=Y

A 4. B. 2.

(3

0 \ x
A 4. B. 2. C.1. D. 3.
Cau 22: (M3&103-2020 Lin 2) Cho hamsé f (x)=ax’ +bx® +cx+d (a,b, ¢, d 1) c6 bang bién thién
nhu sau:
x —o0 -2 0 +00
f'(x) + 0 - 0 +

1 +00

o) / \_1 /

C6 bao nhiéu so duong trong cac s6 a, b,c,d?

A. 3. B. 4. C. 2. D. 1.
Cau23: (Ma101-2020 Lan 2) Cho hamsé f (x)=ax’ +bx*+cx+d(a,b,c,d €[1) c6 bang bién thién
nhu sau:

T — oo 0 4
f(z) + 0

o) /3\_5 P

C6 bao nhiéu so duong trong cac s6 a,b,c,d ?

Gido vién: Huynh Van Ijl'nh — 42 Nguyén Cu T rinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 38
Chuyén luyén thi: Tuyén sinh vao lop 10 TP. Hué — Tot Nghiép THPT — BDKT Toan 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021
A 2. B. 4. C. 1. D. 3.

Cau 24: Cho ham s6 Y =ax'+bX’ +C ¢6 dd thi nhu hinh bén. Ménh d& nao dudi day 1a dang?
A y

A.a>0b<0,c>0 B.a>0,b<0,c<0 C.a>0b>0,c<0 D.a<0,b>0,c<0

N

Cau25: Chohimsé y=2*P ¢6 @4 thi nhu sau.

cx+d

i=

Ménh dé nao sau ddy ding?
A. ac>0; bd >0 B. ab<0; cd.<0 C.bc>0; ad <0 D. ad >0; bd <0

Cau 26: Cho hamsé y=ax’+bx’+cx+d(@#0) c6 do thi nhw hinh vé dudi day. Chon khang dinh dung

ve dau cua a; b, o d’)

}!

A.a>0,b>0,d>0,c>0 B.a>0,c>0>b,d<0
C.a>0,b>0,c>0,d>0. D.a>0,b<0,¢c<0,d>0

Cau 27: Cho hamsé Y =ax’ +bXx*+C (a0) co db thi nhu hinh v& dudi day.

Ay

1%

/[

Ménh d& nao duédi day dung?
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A. a<0,b>0, c<0. B.a<0,b<0,c>0.
C.a<0,b>0,c>0. D. a<0, b<0, c<0.
Cau28: Cho ham sé y= &*2 ¢6 db thi nhu hinh bén dudi, vi &, b, cel . Tinh gi4 trj cia bidu thic
X+C
T=a+2b+3c?
JL}.
0 n
1 e
—
A T=-8. B.T=2. C.T=6. D. T =0.
ax+b

Cau29: Chohamsd y= c6 d0 thi nhur trong hinh bén dudi. Biét rang a 14 sb thuc duong, hoi trong

cx+d
cac sO b, c,d co tat ca bao nhiéu so6 duong?

—

rJ/ T

AL, B. 2. C. 0. D. 3.
Cau 30: Cho duong cong (C):y=ax’+bx*+cx+d c6 do thi nhu hinh bén.

Ay

Khang dinh nao sau day la dung?
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Céau 31;:

Cau 32:

Céau 33:

Cau 34:

A.a>0,b<0,c<0,d<0. B.a>0,b>0,c<0,d>0.
C. a<0,b>0,c>0,d<0. D.a>0,b>0,c<0,d<0.
Cho ham sb bac bén tring phuong Y= ax’ + X’ + C c6 db thi nhw hinh v& bén. Ménh d& nao
dudi day la ding?
A. a<0,b>0,c>0. B.a>0b<0c>0. C.a<0,b>0,c=0. D.a>0,b<0,c<O0.
Cho ham sé Y =ax" +bX’ +C c6 db thi nhu hinh v& bén. Hoi \
khang dinh nao sau day dung? -
A.a>0b<0,c<0. B.a>0,b>0,c<0.
C.a>0,b<0,c>0. D.a<0,b>0,c<0.
. Z ax—b . . s N tgs aA
Cho ham s0 y = 1 c6 do thi nhu hinh vé dudi day:
X_
y
1 2 X
[9) SN—
\_]

-2
Khing dinh nao sau day ding?
A. b<a<0. B. a<b<0. C.b>avaa<0. D.a<0<b.
Cho ham s§ Y =ax’ +bx* +cX+d co db thi nhu hinh v&. Trong cac sé a,b,c va dc6 bao nhiéu
s6 duong?

‘Y

Al B. 4. C. 3. D. 2.
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ax—6
bx —c

Cau 35: Cho hamsé f (x)= (a,b,c ell ) c6 bang bién thién nhu sau:

X —a0 -2 +ao0

S(x) - _

fo |1 T

Trong cé4c sé a,b,c c6 bao nhiéu sé am?
A. 0. B. 3. C.1. D.2.

{ DANG TOAN 8: SU TUONG GIAO CUA PO THI HAM SO J

CAU 8_PTK2021 Db thi ciia ham s6 Y =X —3X+2 ct truc tung tai diém c6 tung d6 bing
A. 0. B. 1. C. 2. D. —2.
Loi giai
Chon C
Cho x=0 ta dugc y=2. Vay d6 thi ham s cit truc,tung tai diém c6 tung do bang 2.

Caul: Dothiciahamsdy = - x*- 3%+ 1 cht true-tung tai diém co tung do bao nhiéu
A. -3. B. 0. C. L D.-1.

Cau?2: Chohamsd Y= ~2x* 45X ¢6 db thi (C) Tim sb giao diém cua (C) va truc hoanh.
A 2. B. 3. C. 1. D. 0.
Cau3: Biét ring duong thing y=x+2 citdd thi ham sé Y =X —X’ +X+4 tai diém duy nhét, ki hiéu

(X;Yp) 14 toa do cua diém d6. Tim Y, .

A. y0:1 B. y0:3 C. y0:_2. D. y0:4
Cau 4: Do thi ham sd ndo sau day cét truc tung tai diém co tung do am?
-1 Xx+1 x—1 2x-1
A y=X—=2, B.y-= . C.y= . D.y= .
y x—3 y X+4 y X+ 2 y X+5

Cau5: Chohamsd f (X) ¢6 bang bién thién nhu sau
X —oo 2 3 +00
f'(x) +

0 - 0 +
f(x) 1 0 /m
—00 / \

S6 nghiém cua phuong trinh 3f (x)—2=0 la
A 2. B. 0. C. 3. D. 1.
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Cau6: (M4 101 - 2020 Lan 1) Cho ham sb bac ba y = f (x) co d6 thi 1a duong cong trong hinh bén.
S6 nghiém thuc cia phuong trinh f (x)=-1 la:

I
y=f(z)

1=

A. 3. B. 1. C.0. D. 2.
Cau7: (Ma& 102 - 2020 Lan 1) Cho ham s6 bac ba y = f (x) c6 do thi 1a duong cong trong hinh bén.

S6 nghiém thyuc cua phuong trinh f (x) =1 1a

A 0. B. 3. C. 1. D. 2.
Cau8:  (Ma1012019) Cho hams6 f (x).c6 bang bién thién nhu sau:
X —0 -2 0 2 40
£ [\) + 0 - 0 + 0 _

™ /3\ /3\

S6 nghiém thyc cia phuong trinh 2 (x)-3=0 la
A 2. B. 1. C. 4. D. 3.

Cau9: (Ma 101 2018) Cho ham s6 f(x)=ax’+bx*+cx+d (a,b,c,dell). Do thi cua ham sb
y = f (x) nhu hinh v& bén. S nghiém thuc ctia phuong trinh 3f (x)+4=0 la

NS
\/

o=

X<y

A. 2 B.0 C.1 D.3
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Cau 10: (M3&1022018) Cho hamsé f (x)=ax"+bx’+c(a,b,cell). D4 thi ctia ham s6 y = f (x) nhu

hinh v& bén.

_1" .'":'3'.
1
ln"lr d r\\\ /// FI-\\,.
[ \\ , \
f // \ o ox
[ lll +I \"“-vr - : Ili 'S
/ -1 o0 1 I|I

S6 nghiém cua phuong trinh 4 f (X)—3 =012
A. 2 B.0 C. 4 D. 3

Cau 11: (M4 104 2019) Cho ham sb f (X) ¢6 bang bién thién nhu sau:

x —0 —1 2 +10
F(x) + 0 - 0 +
2 +m
flx) /},ffx/, &HRHWHE‘ x//f/x{g
—mo -2

S6 nghiém thuc ctia phwong trinh 2 (X) +3=01a
A. 0. B. 1. C.2. D. 3.
Cau 12: (THPT Cu Huy Cén 2019) Cho hamsd-y = f (x) c¢6 d6 thi nhu hinh v&.

Sb nghiém thyc ciia phuong trinh 4f(x) -7 =0 s
A. 2. B. 4.
C. 3. D. I

/71 ¢ :

Cau 13: Chohamsb y=f(x) lién tuc trén doan [—2; 2] va ¢ do thi 1a dudng cong nhu hinh v& bén. Tim

s6 nghiém cua phuong trinh |f (X)| =1 trén doan [—2; 2] :

A. 3. B. 5. C.6. D. 4.
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Cau 14: (M4 102 - 2020 Lan 2) Cho ham sé bac bén y = f(x) c6 d6 thi 1a dudong cong trong hinh vé

bén. Sb nghiém thyc ciia phuong trinh f (x) = —g la

A. 4 B.1 C.3 D. 2
Cau 15: (M4 103 - 2020 L4n 2) Cho ham s6 bac bon y = f (x)-c6 d0 thi la duong cong trong hinh bén.

. 1
S6 nghiém thuc ctia phuong trinh f (X) = > la

b - — o ————

A 2. B. 4. C.1. D. 3.
Cau 16: Sb giao diém ctia dd thi ham sd y = x* —3x+1 va truc hoanh 1a
A. 3. B. 0. C.2. D. 1.
Cau 17: (M4 101 - 2020 Lan 1) S6 giao diém cta do thi ham sb y=x*+3x* va do thi ham s
y=3x"+3x la
A. 3. B.1. C.2. D. 0.
Cau 18: (Ma 103 -2020 Lan 1) S giao diém cta do thi ham s6 y = x* + x* va d0 thi ham s y = x* +5x
A. 3. B. 0. C. 1. D. 2.
Cau 19: (M4 102 - 2020 Lan 2) S giao diém ctia d6 thi ham sé y =—x® + 7X vdi truc hoanh 1a
A. 0. B. 3. C. 2. D. 1.
Cau 20: (M4 104 - 2020 Lan 2) S6 giao diém ctia do thi ham s y = —x*+5x véi truc hoanh la:
A. 3 B. 2 C.0 D.1
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Cau21: (M4 105 2017) Cho ham sé y = (x—z)(x2 + 1) c6 b thi (C). Ménh d& nao dusi day ding?
A. (C ) cit truc hoanh tai mot diém. B. ( C ) cit truc hoanh tai ba diém.
C. (C) cit tryc hoanh tai hai diém. D. (C) khéng cit tryc hoanh.

Cau 22: Chohamsd y=x®—3x co6 dd thi (C). Tim s giao diém cua (C) va truc hoanh.
A. 2 B. 3 C.1 D. 0

Cau 23: Cho hamsé y=x*—3x* ¢6 dd thi (C). S giao diém ctia do thi (C) va duong thang y =2 Ia
A. 2. B. 1. C.0. D. 4.

Cau 24: Biét rang duong thing y =4x+5 cit d0 thi ham s6 y =X>+2x+1 tai diém duy nhit; ki hiéu
(X;Yo) 12 toa do cua diém d6. Tim Y, .
A. Yy, =10. B. y, =13. C.y,=11. D. y,=12.
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L

DANG TOAN 9: GIA TRI - RUT GON — LOGARIT - PON GIAN }

KIEN THUC CAN NHO:
Tinh chét caa logarit

» Cong thire 1: log, a" =x vdi Vxell;1#a>0

* Céng thire 2: log, x+log, y=log, (xy) véi x,y,a>0va a=1

Iogax—logayzlogaﬁ voi x,y,a>0 va a#l
y

Chay: Véi x;y <0va 0<a=1 taco: log, (xy)=log, (—x)+log, (-y)

« Cong thire 3: log, b =n.log, b va log_, b=".log, b(a,b>0;a 1)
a n

Nhw vay: log , b" :ﬂ.loga b
2 m

log, C
log, b

a

* Cong thirc 4: (d6i co s6) log, ¢ =

Céch viét khac ctia cong thirc doi co sb: log, b.log, c=log, ¢ véi a;b;c >0 va ajb=1

Hé qua: Khi cho a=ctaco: Iogcb.logbc:Iogcc:1<:>logcb:I 1
0 b

Tong quat véi nhiéu so: log, X,.log, X,...log, x, =log, X, (v6i 1#x;...x, >0)

(goi la nghich dao)

log, ¢ log, a

* Cong thirc 5: a°*° =c*® vdi a;b;c>0;b#1

* Logarit thap phan, logarit tu nhién.

* Logarit thap phan: Logarit co s6 a = 10 goi 13 logarit thap phan ky hiéu: log x(x > 0) (log x
duge hidu 1a 09,5 X). Doc 1a 1¢ x.

« Logarit tw nhién: Logarit co s0 a=e ~ 2,712818 goi la logarit ty nhién ky hiéu: In x(x > 0).

Doc 14 len x hoic 16¢ nepe ciia x (In X duoc hiéu 14 log, X)

CAU 9_PTK2021 Vi a 1a s6 thue duong tiy y, 10g,(9a) bing

Cau 1;

Cau 2;

A. %+|Og3a. B. 2log, a- C. (Iog3a)2. D. 2+log; a-
Loi giai

Chon D

Taco log,(9a)=log,3" +log,a=2+log, a.

(M& 101 - 2020 Lan 1) Véi a,b la cac sb thuc duong tay y va a =1, 109 s b bing:

A. 5log. b, B. %+Iogab. c. 5+log,b. D. %Iogab.

(M& 103 - 2020 Lan 1) Véi a,b 14 céc s6 thye duong tily y va a =1, 109, b bing

A. 3+log, b B. 3log, b C. %+Iogab D. %Iogab
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Cau3: (Ma&102-2020 Lin 2) Vi 1 s6 thuc duong tiy y, l0g;(5a) bang
A. 5+log. a. B. 5-log. a. c.1+log. a. D. 1-log. a.

Cau4: (M&103-2020 Lin 2) Véi a 1a s thyc duong tuy ¥, 100, 28 bing
A. 1+log, a. B.1-log, a. C. 2-log, a. D. 2+log,a.

Cau5: (M3 103 2019) Véi  1a sb thue duong tiy ¥, 109, a° bing
A. 3+log,a. B. 3log, a. C. %Iogza. D. %+Iogza.

Cau6: (M4 103 2018) Véi a 1a s6 thue duong tiy y, In(7a)—In(3a) bang

A 7 B.Int C. In(4a) p, In(ra)
In3 3 In(3a)
Cau7: (M4 101 2018) Véi a 14 s thue duong tiy y, In(5a)—In(3a) bang:
|
A In2 B. In5 c. In(%a) D. In(2a)
3 In3 In(3a)
Cau8:  (M3& 102 2018) Véi & 1a s thue duong tity y, 10g4(3a) bang:
A. 1-log,a B. 3log, a c. 3+log,a D. 1+log,a
Cau9: (M4 1232017) Cho 4 1a sb thuc dwongkhac 1. Tinh I =log L
A I=-2. B.[=2 c.1=% D.I=0
A N ) . 3) ..
Cau 10: (M4 104 2018) Vi @ 1a s6 thuc duong tuy y, 109, ng bang:
1
A. 1-log,a B. 3—log, a . D. 1+log,a
log, a
Cau1l: (M&1102017) Cho log,b=2 va log,c=3. Tinh P =log, (b’c°).
A. P=13 B. P=31 C. P=30 D. P=108

Cau 12: (Ma 102 2019) Cho a va b 1a hai sé thuc duong thoa man a’h®=32. Gia tri cia
3log, a+2log, b bang
A 4. B. 5. C. 2. D. 32.

Cau 13: (Ma 103 2019) Cho a va b 1a hai sd thyc duong théoa man a’h®=16. Gia tri cua
2log, a+3log, b bang
A 2. B. 8. C. 16. D. 4.

Cau 14: (M4&1012019) Cho a va b 1a hai s6 thuc duong théa man a‘h =16 _Giatri cua 4log, a+log, b

bang
A 4. B. 2. C. 16. D. 8.
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Cau 15: (Ma 123 2017) Véi a, b la céc sb thyc duwong tuy y va a khac 1, dit P=log, b°+log, b°.
Ménh d8 nao duéi day dang?
A. P=6log,b B. P=27log, b C. P=15log, b D. P=9log, b

Cau 16: (M4& 105 2017) Cho log,a=2 va log,b :%. Tinh | = 2Iog3[log3(3a)]+ log, b®.
3

Al=2 B. 1=0 C.l=4 D.1=3
4 2

2
Cau 17: (M4 105 2017) Cho a la s6 thuc duong khac 2. Tinh | =log, (%j

2

A l1=2 B.Iz—E C.l=-2 D. I =

Cau 18: (M4 104 2017) Véi moi a, b, x 1a cac sb thyc duong thoa man log, x=5log, a+3log, b .
Ménh dé nao dudi day dang?
A. x=5a+3b B. x=a’+b’ C. x=ab’ D. x=3a+5b

Cau 19: (M4 104 2019) Cho a va b 14 hai s6 thuc duong thoa'méan ab® = 8. Gia tri cta log, a+3log, b

bang
A. 6. B. 2. C.3. D. 8.
Cau 20: (M4 1232017) Cho log, x=3,log, x =4 véi-a,b 1a cac sb thyc 16n hon 1. Tinh P =log,, X.
A P=12 B p-i2 c.p=_ D.p-L
7 12 12
Cau21: (M4 102 - 2020 Lin 1) Cho.@.va B 13 cic sé thue duong thoa man 4% =32 Gia tri cua
ab’ping
A. 3. B. 6. C.2. D. 12.
Cau22: (Ma 103 -2020 Lan 1) Cho a va b 12 hai s6 thuc duong thoéa man 9°*® =4a . Gia trj cua ab’
bang
A. 3. B. 6. C.2 D.4

Cau 23: (MAa102-2020 Lan 2) Véi a, b 1a cac s6 thue duong ity y théa méan log, a—2log, b = 2, ménh
dé nao dudi day ding?
A a=9b%. B. a=9%. C. a=6b. D. a=9b*.

Cau 24: (M4 103 - 2020 Lan 2) Véi a,b 1a cac s thuc duong tity y thoa méan log, a—2log, b =3, ménh
dé nao dudi day ding?
A. a=27Db. B. a=9%. C. a=27b". D. a=27b’.

Cau 25: Cho céc sb thyc duong a,b théa man Ina=x;Inb=y. Tinh In(a%h?)

A. P=xy? B. P =6xy C. P=3x+2y D. P=x*+y?

Cau26: Cho a>0,a#1va log, x=-1log, y=4.Tinh P =log, (x*y*)
A. P=18. B. P=6. C. P=14. D. P=10.
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Cau 27: Vi a va b 14 hai sb thuc duong tuy y; log, (a3b4)b5ng

A.%Iogza+%log2b B. 3log,a+4log,b  C. 2(log,a+log,b) D. 4log,a-+3log,b

Cau 28: Véi a,b 1a céc sb thuc duong tiy y va a khéc 1, dat P =log, b’ +log_, b°. Ménh dé nao dudi
day dang?
A. P=27log,b. B. P=15log,b. C. P=09log,b. D. P=6log,b.
Cau29: Cho log,b=3 log, c=-2. Khi do log, (a®’/c) bing bao nhiéu?
A. 13 B.5 C.8 D. 10
A , L2 , X
Cau 30: Rt gon biéu thire M =3log 5 «/x —6log, (3x)+ log, "

3

A. M =-log, (3x) B. M :2+Iogs(§) C. M =—|093(§) D. M =1+log, x

Cau3L: Tinh gid trj biéu thic P=1log,, (a%®)+log - (%]+ log g (b?)

(voi 0<a=#10<b=1).
A 3. B. 1. C. 2. D. 2.

Cau32: Véi a>0va a=1,cho log, x=-1va log, y=4.Tinh P =log, (x*y°)
A.P=3. B. P =10. C.P=-14. D. P =65.

Cau33: Véia vab la cic sé thye duong. Bidinthie log, (a’h) bing

A. 2-log,b. B. 2+log b C.1+2log,b. D. 2log, b.
2 3[A2 5/44
Cau 34: Cho sb thuc a thoa man 0'<a%1. Tinh gid tri ctia biéu thirc T = log, {MJ
oy
A T=3. B.T-12 c.T=2. D.T=2.
5 5

Cau 35: Cho a,b,c>0,a,b=1. Tinh A=log, (b?).log, (vbc)—log, (c)

A. log,c. B. 1. C. log,b. D. log, bc.
Céu 36: Cho a=log,8 va b=1log,3. Tinh ab

Al B3 c. 2 D. 2.

3 2 9 3

Cau 37: Cho a,b>0, néu log, a+log, b’ =5 va log, a* +log,b = 7 thi gi tri cia ab bang:
A 2°. B. 2. C. 8. D. 2.

A . N 2 e 1
Céu 38: Xét cac so thuc duong a,b thoa man log;a=5 va Iog3b:§. Tinh gia tri biéu thuc

| =2log,| log; (5a) | +log, b®.
9

A 1=3. B.1=-2. C. I =1. D. I =2log,5+1.

Gido vién: Huynh Van Ijl'nh — 42 Nguyén Cu T rinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 51
Chuyén luyén thi: Tuyén sinh vao lop 10 TP. Hué — Tot Nghiép THPT — BDKT Toan 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

{ DANG TOAN 10: PAO HAM CUA HAM SO MU - LOGARIT J

KIEN THUC CAN NHO:
1. Pao ham ham s mii:
y — a.X y!
1.1
y — au y!
(e*)

1.2 Pic biét: .
(€")

=a*lna
=a'Inafu]’
:eX

:eu.

vél e» 2,71828...

2. Pao ham ham sb logarit

y=log, x——Yy'=

21 xlna
y=log, u >y =
ulna
(Inx) =1
2.2 Dac biét: X .
/
I =
(Inuy =14
CAU 10_PTK2021 Dao ham ciia ham sé Y =2" I&:
A. y’:2xln2. B. y’:2x. C. y': 2" .
In2
Loi giai
Chon A
Taco y'=(2x) =2"In2,
Cau 1l: Tinh dao ham cta ham sb y:13x
A y’:ﬁ B. Y =x13" c. y'=13"In13
' In13 ' ' '
Cau 2: Tinh dao ham cta ham s6 y:5X
" SX r_ x-1 I X
A Y=— B. Y =X5 c. Yy =515
In5
Cau3: Tinh dao ham ctia ham s y:exz“.
A. (2x+1)e" B. (2x+1)e" ™ C. (2x+1)e**
Cau4: (M4 103 -2019) Ham sé Yy =2 ¢6 dao ham 1a

A 252

C. (¥ —x)2°,

B. (2x-1).2%In2.
D. (2x-1).2°,

D. y' = x2*1,
D. Yy =13
D. y! — 5X

D. (x2 n x)e2X+1
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Caus: (M4 104 - 2019) Ham sé Y =3 c6 dao ham 1a

A. (2x-1).3°7. B. (x*-x).3>%  C.(2x-1).3""In3. D. 3°.In3,

Cau6: (M4 102 - 2019) Ham sé y =3 c6 dao ham 1a
A. (2x-3).3° B. 3% 1n3.
C. (x*=3x).3" >, D. (2x—3).3“*.In3.

A \ ) \ A _ al-2x .
Cau7: Daohamcuahamso Y=€ " la

1-2X 1-2x al—2x / 1-2x

A Y =2 B. Yy =-2¢ Coy—-% D. y'=e
Cau 8: Tim dao ham ciia ham s y =logx .
In10 1 1 1
A y=—7TT B. y= C.y= D.y==
Y X Y xIn10 Y 101In x Y X
Cau9: (M4 110 2017) Tinh dao ham ciia ham s6 Yy =log, (2x+1).
2 1
Ay=—=="__ B.y=——"— C.y-_2 D.y=_1
(2x+1)In2 (2x+1)In2 2x+1 2x+1
Cau 10: Pao ham cita ham s6 y = log, (X +X+1) 1a;
A y,=(2x+l)ln3 B yi— 2X+1 C.y= 22x+1 D. y'= 1
x*+x+1 (x2+x+1)ln3 X%+ X+1 (x2+x+1)ln3
Cau 11: Chohamsd f(x)=log, (x*+1), tinh (1)
Af'(1)=1. B. #'(1)=—1—. C. f(1)=1. D. f/(1)=—.
(1) =5 1)=3 =1
Cau 12: Tim dao ham cta ham sb y:In(1+e2X).
—Zezx ’ e2x 1 ’ 2e2x
AY=—"—. B. Yy = . C.y= . D.y= .
g (eZX +1)2 y e +1 ] y e +1
Cau 13: Tinh dao ham ctia ham s yzlogg(x2 +1).
1 X 2xIn9 2In3
A y=—"—. B.y=——— C. y="— D.y= .
Y (x2+1)ln9 Y (x2+1)ln3 ] ]
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L DANG TOAN 11: RUT GON LUY THUA - MU - PON GIAN

1

KIEN THUC CAN NHO:

Cong thirc lily thira
Cho cac s duong a, b va m, ne(] . Taco:
2 =1 a" = aa......... aVéinell” a,nzi
a n théa soa a"
am
(@")'=a"=(@")" |ama"=a"" ="
1
n n n * sJa = a2 .
a'h" = (ab)" a_:(ﬂj Ya" = an (M, nel’)
b" (b , !
*JJa=ad
CAU 11_PTK2021 Vi a 1a sb thyc duong tiy v, Ja bang
3 2 1
A. af. B. a2. Clas. D. a
Loi‘giai
Chon B
Taco Ya" =am véimoi a>0 va mnell™.
3
Do d6 «/a_3 =a’.
5
Caul: (M4 105 2017) Rut gon biéu thic Q=b%:3b véi b>0.
4 4 5
A.Q=b? B. Q=03 C.Q=0° D. Q=b
1
Cau2: (Ma 110 2017) Rat gon biéu thic P = X 8/X véi x>0.
1 2
A P=4Xx B. P=x? C.P—x’ D. P —x2
4
Cau 3: Cho a la sb thyc duong. Gia tri rat gon cua biéu thirc P = 3-3\/5 bang
7 5 11 10
A. a3. B. a®. C. as. D. a3
Cau4: (M4 102 2017) Cho bidu thic P =/ x.3/x2/x® , v6i x> 0. Ménh d& nao dudi day ding?
2 1 3 1
A P=x3 B. P=x? C. P=x* D. P=x*
1 1
Cau5:  Cho biéu thitc P =x2.x3.8/x v6i x>0.Ménh dé nao dudi day ding?
11 7 5
A. P=x B. P=x6 C. P=x8 D. P=x®
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1
Cau6: Rat gon biéu thie P=X®-3X véi x>0.
1 2
A P=xt B. P=4x C.P=x° D. P=x?

3
Cau7: Cho ala s thuc duong. Viét va rat gon bidu thire a2 ®¥/a duoi dang liiy thira v6i s mii hitu
ti. Tim sd mii cta biéu thuc rat gon do.
L2 B. L. c. 3. D. 3.
1009 1009 1009 20182

Cau8: Biduthic P = x8/xJx = x* (véi Xx>0), gid tri cua & 14
AL B. 2. c.2. D. 3.
2 2 2 2

2

Cau9: Cho 4 I sé thuc duong khac 1. Khido Va® bing

A 3a? B. as. C. as. D. a.

3
Cau 10: Cho biéu thirc P=x * \/\/X_S , X>0. Khang dinh nao-sau ddy 1a dung?

1 1

A. P=x2 B.P=x2 CrP=x2 D. P=x?

Cau 11: Cho biéu thuc P = \3/x.<‘/x3 X, véi x>0. Ménh d& nao dusi day diing?

1 7 5 ’
A. P=x2, B. P=x2, C. P=x8. D. P=x2,
11
A , L2 , ‘\3/37.3.7 W z , m , « 2 M
Céau 12: Rt gon bicu thire A= ——=="v061 a>0 ta dugc két qua A=a" trongdo MNe N" va — la
a4.7’a—5 n
phan sb tdi gian. Khang dinh nao sau day dang?
A. m*—-n*=312. B. m*> +n* =543, C. m*-n*=-312. D. m®+n” = 4009.

m
Cau 13: Cho biéu thiic \5/8\/ 232 =2"  trong @6 ™ 14 phan s6 ti gian. Goi P =m? +n?. Khing dinh nao
n

sau day ding?
A Pe (330;340) : B. Pe (350;360) : C. Pe (260;370) . D.Pe (340; 350) :
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{ DANG TOAN 12: PHUONG TRINH MU PON GIAN J

KIEN THUC CAN NHO:
PHUONG PHAP DUA VE CUNG CO SO.
+Néu a>0,a=1thi a'¥ =a’" < f (x)=g(x)
a=1
f(x)=9(x)

+a'™ =p"™ < log, a"™ =log, b*™ < f (x)=log, b.g(x) (logarit hoa).

+Néuachiaanthi a'® =a"¥ & (a—l)[f (x)-g (x)] =0 @{

CAU 12_PTK2021 Nghiém ctia phuong trinh 57 = 25 |a:
A._Xx=3. B. x=2. C. x=1. D. x=-1.
Loi giai
Chon A
Tachd: 57" =25 2x—4=2< x=3.
Vay nghiém cua phuong trinh 1a X =3.

Caul: (Ma& 101 - 2020 Lan 1) Nghiém ctia phuong trinh 3* "= 9 1a:

A x=-2. B. x=3. Cix=2. D. x=-3.
Cau?2: (Ma 104 - 2020 Lan 1) Nghiém cia phuong trinh 32 =27 1a
A x=-2. B. x=-1. C. x=2. D. x=1.
Cau3: (Ma& 101 - 2020 Lan 2) Nghiém cta-phuong trinh 227° =2* 13
A. x=8. B. x=-8: C. x=3. D. x=-3.
Cau4: (Ma 101 2018) Phuong trinh 27 =32 c6 nghiém la
A x=3 B.x=E C. x=2 D.x=§
2 2
Cau5: (Ma 104 - 2019) Nghiém cua phuong trinh 22 =32 4
A x=2. B.X:E. C.X:E. D. x=3.
2 2

Cau 6: Tim tap nghiém S ctia phuong trinh 577 =5,

A S=) B. S:{O;%} C. $={0;2} D. Sz{l;—%}
Cau 7: Tap nghiém S cua phuong trinh 3 =27 .

A. S={1;3}. B. S={-3;1}. C. S={-3;-1}. D. S={-1;3}.
Cau 8: Phuong trinh 5> —1=0 c6 tap nghiém la

A S={3). B.S={2). c. s=1{0}. D.S={-2).
Cau 9: Tinh tong tit ca cac nghiém cua phuong trinh Kt _ g

A. —E. B. -1. C. 1. D. E

2 2

Gido vién: Huynh Van {fnh — 42 Nguyén Cu T rinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 55
Chuyén luyén thi: Tuyén sinh vao lop 10 TP. Hué — Tot Nghiép THPT — BDKT Toan 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cau 10:

Cau 11;

Cau 12:

Cau 13:

Cau 14:

Céu 15:

Céu 16:

Céu 17;

Céau 18:

Céau 19:

Céau 20:

Céau 21:

Tim tat ca cac gia tri thuc cta tham sé m dé phuong trinh 3! +2m? —m—3=0 c6 nghiém.

A.me —1;§ . B.me 1;+oo . C. me(0;+0). D. me —1;§ .
2 2 2
Téng céc nghiém ctia phuong trinh 25 2“1 = 8 bing
A. 0. B.- 2. C. 2. D.1.
Phuong trinh 57 **** = 25 ¢ téng tAt ca cac nghiém bing
Al B. § C. -1 D. —E
2 2
Phuong trinh 72" =49 c6 tng tAt ca cac nghiém béng

A. —E. B. 1. C. -1. D. g

2

X“+2
Phuong trinh 2777 = (%j ¢ tap nghiém la

A. {-17}. B. {-1-7}. C. {17} D. {,-7}.

Phuong trinh 3*.2**" =72 ¢6 nghiém la

A.x=§. B. x=2. C.x=§. D. x=3.
2 2

x2—2x-3
Nghiém cua phuong trinh (%j =5"Ja

A x=-1 x=2. B. x=1%=-2. C. x=1x=2. D. VO nghiém.
x2-2x-3

Tap nghiém cta phuong trinh (?j =7"1a

A. {-1}. B. {-1,2}. C. {-14}. D. {2}.

Tong cac nghiém ciia phuong trinh X' +2x _ g2 bang
A. 6. B. 5. C. 5. D.6.

x*-2x-3
Goi X, X, 1a hai nghiém ctia phuong trinh 7 = (% . Khi d6 x? +x2 bang:
C

A 17. B. 1. . 5. D. 3.

Téng binh phuwong cac nghiém cua phuong trinh 572 = (%j bang

A 2. B. 5. C.0. D. 3.
4 (1T X X ¥ X

Phuong trinh 3* ~ =(§j 6 hai nghiém "1, "2, Tinh "172,

A. 6. B. 5. C.6. D. 2.
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CAau 22: Tap nghiém ctia phuong trinh 4 = (%j la

|

. : y L 7 o _ (1)
Cau 23: Tinhtong S =X, +X, biét X, X, 14 cAc gia trj thuc thoa man dang thic 2° > = (—j .

4

A. S=-5, B. S=8. C.S=4. D.S=2.
{ DANG TOAN 13: PHUONG TRINH LOGARIT PON GIAN J
KIEN THUC CAN NHO:

+Néu a>0,a=1:log, x=bh < x=2a"
+Néu a>0,a=1:log, f(x)=log, g(x) < f(x)=g(x)>0
+Néu a>0,a=1:log, f(x)=g(x)< f (x):ag(x) (mii hoa)

CAU 13_PTK2021 Nghiém ctia phuong trinh log, (3x) =3 la:

8 1
A. x=3. B. x=2. CrX=—. D. x=—.
3 2
Loi gidi

Chon C

Taco log,(3x)=3<3x=8< XZ%
Caul: (M4101 - 2020 Lan 1) Nghiém ctia'phuong trinh log, (x-1)=2 la

A. x=8. B. x=9. C. x=7. D. x=10.
Cau2: (M4 102 - 2020 Lan 2) Nghiém ctia phuong trinh log, (x+9)=5 la

A. x=41. B. x=23. C. x=1. D. x=16.
Cau3: (M4 101 - 2020 Lan 2) Nghiém ciia phuong trinh log,(x+8) =5 bang

A x=17. B. x=24. C. x=2. D. x=40.
Cau4:  (Peé Tham Khao 2019) Tap nghiém ciia phuong trinh log, (X2 - X+ 2) =1la:

A. {0} B. {0;1} C. {10! D. {1}
Cau5: (M4 110 2017) Tim nghiém ctia phwong trinh 109, (1— X) =2.

A. x=5. B. x=-3. C. x=-4. D. x=3.
Cau6: (Ma 102 2018) Tap nghiém cua phuong trinh log, (X2 —1) =3 la

A. {-10; 10} B. {-3;3} C.{-3 D. {3}
Cau 7: Phuong trinh log,(3x—2)=3 c6 nghiém la

A.x:g. B. x=87. C.x:2—39. D.x:l—sl.
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Cau8:  Tap nghiém cua phuong trinh log, (X2 —X +3) =11la
A. {1}. B. {0;1}. C. {-10}. D. {0}.
Cau 9: Tap nghiém cua phuong trinh log (X2 —2X+ 2) =11la
A &. B. {-2;4}. C. {4}. D. {-2}.
Cau 10: Tép nghiém ctia phuong trinh log, (X2 + ZX) =11a
A {1-3}. B. {1,3}. C. {0}. D. {-3}.

Cau 11: Tong binh phuong cac nghiém cua phuong trinh log, (x2 —5X+ 7) =0 bang
2

A.6 B.5 C.13 D.7
Cau 12: Tap nghiém cta phuong trinh 109, (X2 —3X) =-1la:

A {4}, B. {1;-4}. c. {3‘5@3*;@}. D. (-1:4).

Cau 13: Tim tap nghiém S cua phuong trinh log, (x—1)+log,(x+1)=3.

A.S={3 B. $={-V10;10} Crs={-33} D. S={4)
Cau 14: (M& 103 - 2019) Nghi¢m ctia phwong trinh-log, (x+1)+1=log, (3x—1)la

A x=1. B. x=2. C. x=-1. D. x=38.
Cau 15: (Mé 101 - 2019) Nghiém ctia phrong trinh log, (x+1)+1=log, (4x+1)

A x=4. B. x=2. C. x=3. D. x=-3.
Cau 16: Sé nghiém cua phuong trinh In(x+1)+In(x+3)=In(x+7) la

A. 1l B. 0. C.2 D. 3.
Cau 17: Tim sb nghiém ctia phwong trinh log, x +1log,(x-1) =2

A. 0. B. 1. C.3. D. 2.
Cau 18: 86 nghiém cua phuong trinh log, (6+x)+log, 9x—5=0.

A. 0 B. 2 C.1 D.3
Cau 19: Tim tdp nghiém S ciia phuong trinh: log, (2x+1)—log, (x—1)=1.

A S={3}. B. S={1. C.s={2}. D. S={4}.
Cau 20:  Phuong trinh log, x+log, (x—1) =1 c6 tap nghié¢m la

A S={-13}. B. $={13}. C.s={2}. D. s ={1}.
Céu 21: Tap nghiém cta phuong trinh log, x+1log,(x-3)=2 la

A S={4) B. S={-14} C.s={-1 D. S ={4,5)
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L DANG TOAN 14: NGUYEN HAM CUA CAC HAM SO PON GIAN }

KIEN THU'C CAN NHO:
Bing nguyén ham ciia mét sé6 ham thwong gap (véi C la hang so tay y)

(D(‘)de:C. Y Ya® (‘)kdxzkx+C.
n+1 n+1
®(‘)x”dx= X +C;n!' -1 | %%® (‘)(ax+b)“dx=1M+C; nt -1
n+1 a n+1
1, e 1 _1
@O;dx—ln‘x‘+c. Ya Ya® Oax+bdx—aln‘ax+b‘+c.
@y —dx=-1+C. YU® § - dx = - ST _+C.
x? X (ax + b)? a ax+b
® C‘)sinxdx = - cosx + C.

% %4® ¢ sin(@x + b)dx = - 1cos(ax +b)+C.
a

© ¢ coscdx = sinx +C. % 3%® & cosax + b)dx = ~sin(ax + b) + C.
a

@ o _1 dx = - cotx + C. Ya Ya® (‘)_Zd—xz-lcot(ax+b)+c.
sin®x sin’(ax + b) a

® O ! dx = tanx + C. Ya Ya® (‘)zd—letan(ax+b)+c.
cos’ X cos’(ax +b) a

©(‘)e dx = e* + C. 3, Yu® (‘)eaX+bdleeaX+b+C.
a

X ax+b
® yadx= ~—+C, % Y%® (‘)a”*bdx:%a

= + C.
Ina

Ina

. . . 1
¢ Nhdn xét. Khi thay x bang (ax + b) thi khi lay nguyén ham nhan ket qua thém o x

CAU 14 PTK2021 Cho ham s6 f (X) =3x? —1. Trong c4c khang dinh sau, khang dinh nio dung?

A. J'f(x)dx:3x3—x+C. B. J'f(x)dx:x3—x+C.

C.J’f(x)dx:%x3—x+C. D. [f(x)dx=x*-C.
Loi gidi

Chon B

Taco [ f(x)dx :j(3x2 —1)dx =x3—x+C
CAU 15 PTK2021 Cho ham sb f (x) = cos2x .Trong cac khing dinh sau, khing dinh nao ding?

1. 1.

A. J.f(x)dx:Esm 2x+C B. J'f(x)dx:—zsm 2x+C

C. jf(x)dx:2sin2x+c D. jf(x)dx:-2sin2x+c
Loi giai

Chon A
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; 1 1.
Taco J.costdx = Ejcost d(2x) :Esm 2x+C.,

Caul: (MA&103-2020Lin 1) j x‘dx bing

A.%X5+C B. 4x*+C C. x’+C D. 5x°+C
Cau2: (MAa104-2020 Lin 1) jx5dx bing

A.5x*+C. .%x6+C. C. x*+C. D. 6x°+C.
Cau3: (M4 101- 2020 Lin 2) j 5x‘dx bang

A.%X5+C. B. x*+C. C.5x°+C. D. 20x*+C.
Cau4: (M&102-2020 Lan2) j6x5dx bing

A. 6x°+C. B. x*+C. C. %X6+C. D. 30x*+C.

Cau’5: (Ma& 103 2018) Nguyén ham ciia ham s6 f (x)=x*+x? la

A.%x5+%x3+c B. x*+x*+C C'x°+x*+C. D. 4x*+2x+C

Cau6: (M4 102 - 2019) Ho tat ca cac nguyén ham ctia ham s f (x)=2x+6 la

A x*+C. B. x> +6x+C-. C. 2x*+C. D. 2x* +6x+C.
Cau7:  Honguyén ham ciia ham s6 f (x)=Ccosx+6x la

A. sinx+3x*+C. B. —-sinx+3x*+C. C.sinx+6x*+C. D.-sinx+C.

Cau8: (M4 101 2018) Nguyén ham cua ham s f (x)=x>+x la

A %x4+%x2+c B. 3x*+1+C C. x*+x+C D. x*+x*+C
Cau9:  (Ma 110 2017) Tim nguyén ham cta ham sb f(x)=5 ! >
X_
A -2 Linpx-g+c B. [ -2 _Infsx-2[+C
5x-2 5 5x -2
C [-% - Linpx-2+c D. [-%_ _s5insx-2]+C
59X -2 2 5x -2

Cau 10: (MA&123 2017) Tim nguyén ham cia ham sb f(x) = Cos 3x

sin 3x

A. J.cos3xdx=3sin3x+C B. Icos3xdx= +C

sin 3x

C. Icos3xdx:sin3x+C D. jcosSxdxz— +C

Cau 11: Ho nguyén ham cia ham s§ f(X)=€"+x Ia
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A e +1+C B. e*+x*+C C.et+ix24C D. L erlyic
2 x+1

Cau 12: (M4 101 - 2019) Ho tat ca cac nguyén ham cia ham s6 f(x) = 2x+5 la

A. x*+C. B. x> +5x+C. C. 2x*+5x+C. D. 2x*+C.
Cau 13: Ho nguyén ham ctia ham s £ (x) — > 1a ham sb nao sau day?

A. 3e* +C. B. %esuc. C. %euc. D. 3¢ +C.

A . X —sin 2x jdx
Céau 14: Tlth.( K .
X X cOS 2% X C0S2X
A, —+sinx+C. B. —+cC0s2x+C. C. x*+ +C. D.—+ +C.
2 2 2 2

Cau 15: Nguyén ham ctia ham sd y=e"" 13

A. 2e**+C. B. e**+C. C. %e2“+C. D. Leic.
Cau 16:  Tim ho nguyén ham cua ham sé f (X)= sin3x

A. - 3c0s3x+ C. B. 3c083x+ C. C. %c053x+ C. D. - %cosSx+ C.
Cau 17: Ho nguyén ham cta ham s f (X) =3x* +sinx 1a

A. x*+cosx+C. B. 6x+cosx+C. C. x*~cosx+C. D. 6x—cosx+C.
Cau 18: Néu [ f(x)dx=4x"+x"+C thihamsé f(X) bang

3
A. f(X)=X4+§+CX.B. fi(x)y=12x* +2x+C.
W

c. f(x)=12x*+2x. D. f(x)=X4+§.

Cau 19: Tim ho nguyén ham cua ham sb f (X) =3Xx-sinx.
) 3x?
A. [ f(x)dx=3x"+cosx+C. B. jf(x)dx:T—cosx+C.
3x?

C. ff(x)dx:7+cosx+c. D. [ f(x)dx=3+cosx+C.
Cau 20: Ho cac nguyén ham caa hamsé (x)=x"+x* 1a

A. 4x® +2x+C. B. x*+x*+C. C.%x5+%x3+c. D. x>+x*+C.
Cau 21: Ho nguyén ham ctia ham sb f(x):e"_zx la.

A e*+x*+C. B.e*—x*+C. C. iex—x2+c. D.e*-2+C.

X+1

Cau 22: Tim ho nguyén ham cta ham s6 f (X) =2"
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2)(

A | f(x)dx=2+C. B. | f(x)dx=—+C.
MG J ()=
2x+l
C. | f(x)dx=2"In2+C. D. | f(x)dx=—+C.
' 0=
A \ A Tx , s £ 1 A 1
Cau 23: Tim nguyén ham ctia ham so6 f(x):1 trén —OO,E .
—2x
1 1 1
A. Zinf2x-1+C. B. ZIn(1-2x)+C. C.—ZInj2x-g+C. D. In[2x-1+C.
Cau 24: Nguyén ham cta ham sb f(X):2X+X la
X X2 X ) 2
A. +—+C. B. 2*+x2+C. C. +Xx°+C, D. 2"+—+C,
2" 2 e In2 2

A \ £ 2. o \ 5 \ A A . N X
Cau 25: Hamso F (X) =e* la nguyén ham cta ham s6 nao trong cac ham s sau:

A F()=2xe" B. f(x)=x?" -1. c. f(x)=¢" D. f(x)::—_

CAau 26: T4t ca cac nguyén ham cia hamsé f(X)=3"1a

A ——+C B. -3*+C C.3*In3+C D. —+C

Cau 27: Tim ho nguyén ham ctia ham s y = x*~ 3" ey
X

3 X 3 X
A. X——3——In|x|+C,CeR B.X_3 +In|x|+C,CeR
3 In3 3 In3
3 3 X
C.X_z.l,ccer D.X_ 3 1 .ccer
3 X 3 In3 x

F(e+1):4

Cau 28: Cho F (X) 1a mot nguyén ham cua f (x)= il trén khoang (1’ +OO) thda man .Tim
X —

F(x)

A. 2Iﬁ(x—1)+2 B. In(x-1)+3 C. 4In(x-1) D. In(x-1)-3

Cau 29: Cho F(X) 1a mot nguyén ham ciia ham f (x) = 5 1 1;biét F(0)=2.Tinh F(1).
X+

A F(1)=

N |-

In3- 2. B.F(1)=m3+2. C.F(1)=2n3-2. D.F(= %In3+2.

Cau 30: (M4 1052017) Cho F(x) la mot nguyén ham ciia ham s f(x)=e" +2x thoa man F(0) = % :
Tim F(x).

A. F(x):e"+x2+% B. F(x):ex+x2+§

C. F(x)zex+x2+% D. P(x):23x+x2_%
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_ X _
=€ va F(O)_O. Gia tri cua F(In3) bang
8. D. 4.

_ opx _
cau3z: Hamsé T (%) c6 dao ham lien tue tren 0 va: | =2 HLIXE(0)=2 (X)),

A y=2"+2x. B. y=2"+2. C.y=e"+x+2. D y=e"+x+l,

Cau 31: Biét F (X) 12 mot nguyén ham ciia ham sb f ( )
A. 2. B. 6.

@]

Cau33: (Ma 123 2017) Cho ham sé f(x) théa man f'(x)=3-5sinx va f(0)=10. Ménh dé nao

dudi day diang?
A. f(x):3x—5cosx+15 B. f(x):3x—5cosx+2
C. f(x):3x+5cosx+5 D. f(x)=3x+5cosx+2

Cau 34: (M&101-2020 Lan 2) Biét F(x)=e*+x* la mot nguyén ham cta ham s6 f (x) trén O . Khi
do _[f (2x)dx bang

1 1
A. 2e* +2x% +C. B. Eezx+x2+C. C. Ee“+2x2+c. D. e +4x* +C.

Cau 35: (Ma&102-2020 Lan 2) Biét F(x)=e"—2x* 1a mot nguyén ham cua ham s6 f (x) trén [ . Khi
do [ f(2x)dx bing

A. 2" —4x*+C. B. %e“—4x2+c. C. e?-8x*+C. D. %e“—zx%c.
ain?2
Cau 36: Biét If(Zx)dx_sm X+InX+C.Tim nguyén ham jf(x)dx?
A. f dx sin E+Inx+C B. _f dx 2sin?2x+2Inx+C.
C. I dx 2sin? E+2Inx+C D. I dx 2sin’x+2Inx+C.

Cau37: Cho j f (4x)dx = X* +3x+C . Ménh dé nao dusi day ding?

2
A. J'f(x+2)dx:XZ+2x+C. B. _[f(x+2)dx=x2+7x+C.
X’ x?
C. _[f(x+2)dx=—+4x+C. D. jf(x+2)dx=—+4x+C.
4 2
f(x)dx=4x*+2x+C = | xf (x*)dx
Cau 38: Cho-[ (%) % Tinh -[X (X) .
XlO XG
A 1=2x"+x*+C. B.l=—+=+C.
10 6

C.1=4x°+2x*+C. D. | =12x*+2.

x+1

CAau 39: Tim ho nguyén ham cia ham s f (x)=x’e

A. _[ dx_— ey, B. If(x)dx=3ex3+l+c.
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1

C. | f(x)d C. D. —Ze4C.
I x =2 4 [ f(x x=2e
Cau 40: Nguyén ham cua f(x)= sin 2x.* la
sin? x+1 sin? x—1
A sin’xe™1+C. B ——+C. C.e" +C. D.— —+C.
sin® x+1 sin® x-1
3
cauat: Timhamss ~ () biée F(x)= [ X axva T (071,
X" +1
1
A. F(x)=In(x*+1)+1.B. F(x)==In(x"+1)+>
() =In(x' +1)+1.B. F (x) = Tin(x" +1)
1
C. F(x)==In(x*+1)+1. D. F(x)=4In(x*+1)+1.
(0-Ln(x 41 (9=ain(x'+1
Cau 42: Tim ho nguyén ham cia ham sé f (x)=x%**
A. I X)dx = e 4+C.B. J X)dx = 31 4C.
C. [f(x dx_ e 4C. D. ['f(x dx_— ol
Cau 43: Biét J. f (X)dX =3X COS(2X—5)+C . Tim khang dinh ding trong cac khang dinh sau.
A. .[f(3x)dx:3xcos(6x—5)+c B. Jf(Sx)dx=9xcos(6x—5)+C
C. '|.f(3x)dx:9xcos(2x—5)+C D. jf(3x)dx=3xcos(2x—5)+c
Cau 44: Ho tt ca cac nguyén ham cia him s6 f(x)=% trén khodng (2;+00) la
X_
2 2
A.3In(x-2)+——+C B. 3In(x-2)-——=+C
X—2 X—2
4 4
C. 3In(x-2)-——+C D. 3In(x-2)+——+C.
X—2 X—2
A I A a2 2x-1 7 X
Cau 45: Ho tat ca cac nguyén ham ctia ham so f(X):( 1)2 trén khoang (—1;+0) la
X+
2 3
A. 2In(x+1)+——+C. B. 2In(x+1)+—+C.
X+1 X+1
C. 2In(x+1)—i+C. D. 2In(x+1)—i+C.
X+1 X+1
C&u 46: Cho bi tjlﬁdx aln|x+1+blInjx-2/+C.
(x+1)(x-2)
Ménh d& nao sau day dung?
A. a+2b=8. B. a+b=8. C. 2a-b=8. D. a-b=8.
Cau 47: Cho biét J‘X4X4+)j'l6dx aln|x+2|+bIn|x+3/+C. Tinh gia trj biéu thac: P=a’+ab+b’.
+5X+
A. 12 B. 13. C. 14. D. 15.
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DANG TOAN 16: SU DUNG CAC TiNH CHAT PE TiNH TiCH PHAN - TICH PHAN CAC
HAM SO PON GIAN

KIEN THUC CAN NHO:

1. Pinh nghia: Cho ham sé y = f (x) lién tuc trén K ; a,b 1a hai phan tir bat ki thuoe K, F (x) la

mot nguyén ham ctia f (x) trén K. Higu s6 F (b)—F(a) goi la tich phan ctia cua f(x) tira
b
dén b va duoc ki hiéu: j f(x)dx=F(x)|>=F(b)-F(a).

2. Céc tinh chét caa tich phan:

+If dXO +

2 3 3
CAU 16_DTK2021 Néu j f(x)dx =5 va j f (x)dx =—2 thi j f (x)dx béng
1 2 1
A. 3 B. 7 C. -10 D. -7
Loi giai
Chon A

c b b
Ap dung cong thie j f (x)dx + j f (x)dx = j f(x)dx (a<c<b),taco

j f(x)dx:i f(x)dx+j f(x)dx=5+(-2)=3

2
CAU 17_PTK2021 Tich phan [ x*dx bang
1

A.E. B.E. C.Z. D.E.
3 4 4 4
Loi giai
Chon D

2 4 (2 4
Tacod J.x3dx=x— 2 1B
4, 4 4 4

1
Caul: (D& Tham Khio 2020 Lin 2) Néu [ f (x)dx=4 thi j 2f (x)dx bang
0

A. 16. B. 4. C. 2. D. 8.
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3 3
Cau2:  (Ma101-2020 Lan 1) Biét [ f (x)dx=3. Gid tri cia [2f (x)dx bing

1 1

A. 5. B. 9. C.6. D.

— N W

Cau3: (Ma& 101 - 2020 Lan 1) Biét F(x)=x? la mt nguyén ham ctia ham s6 f(x) trén 0 . Gid tr

2
cita [[2+ f(x)]dx bang
1

A. 5. B. 3. c. B p. L.
3 3
. 5
Cau4:  (M&102-2020 Lan 1) Biét [ f (x)dx=4. Gid tri clia j3f x)dx bing
1
4
A 7. B. 2. C. 64. D. 12.

Cau5: (Ma& 102 - 2020 Lan 1) Biét F(x)=x’ 1a mot nguyén ham/cha ham s6 f (x) trén O . Gid tr
2
ctia [(2+ f(x))dx bang
1

A.é. B. 7. Cv9. D.E.
4 4

Cau6: (M4 103 - 2020 Lan 1) Biét J. dX 2. Gia tri cua I3f dX bang

2
A. 5. B. 6. C.g. D. 8.

Cau7: (Ma 103 - 2020 Lan 1) Biét F(x) =X’ 1a mot nguyén ham ctia ham sé f(x) trén 0 . Gid tri
3
cita [ (L+ f (x))dx bing
1
A. 20. B. 22. C. 26. D. 28.
. ) 3 3 3 .
Cau8:  (Ma101-2020 LAn 2) Biét [f(x)dx=4 va [g(x)dx =1. Khidé: [[f(x)-g(x)dx bang:
2 2

2

A. -3. B. 3. C. 4. D. 5.
Cau9: (M4 101 - 2020 Lan 2) Biét j[f (x)+2x]dx:2. Khi d6 jl.f (x)dx béng :
0 0

Al B. 4. C. 2. D. 0.

3 3
Cau 10: (M4 102 - 2020 Lan 2) Biét [ f (x)dx =3 va j g(x)dx=1.Khidé [[ f(x)+g(x)Jdx bing
2

2

A 4. B. 2. C. -2. D. 3.
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1 1
Cau1l: (M&102-2020 Lan 2) Biét [[ f(x)+2xJdx=3.Khido [ f(x)dx bing
0 0

Al B. 5. C. 3. D. 2.

2 2
Cau12: (M&103 - 2020 Lan 2) Biét [ f (x)dx =3 va j g(x)dx=2.Khidé [[ f(x)-g(x)]dx bing?
1 1

A 6. B. 1. C.5. D. -1.

Cau13: (M4 103 - 2020 Lin 2) Biét j:[f (x)+2x]dx=4. Khi do j: f (x)dx bing

A. 3. B. 2. C. 6. D. 4.
1
Cau14: (M 102 - 2019) Biét tich phan [ f (x)dx =3 va j g(x)dx=—4. Khi d6 j [ f(x)+g(x)]dx
0
bang
A -T. B. 7. C. -1. D. 1.

Cau 15: (M4 104 - 2019) Bibt jolf(x)dx=2va J.:g(x)dx=—4,khi a6 _[:[f(x)+g(x)]dx bing
A 6. B. 6. C. -2; D. 2.

1 1 1
Cau 16: (M4 1012019) Biét [ f (x)dx=-2 va [g(x)dx=8,khi dé [[ f(x)—g(x)Jx bing
0 0 0

A. 1. B. 1. C. -5. D. 5.
4 4
Cau 17: Choj x)dx=1, [ f(t)dt=—4 Tiph [ f
-2 2
A. 1=5. B. =23 C.1=3. D. | =-5.
1 3 3
Cau18: Cho [ f(x)dx=-1; [ f(x)dx=5.Tinh [ f(x)dx
0 0 1
A. 1. B. 4. C.®. D. 5.
2 4 4
Cau 19: Cho hamsé f(X) lién tuc trén R va co j f(x)dx =9; j f(x)dx =4.Tinh | = j f (x)dXx.
0 2 0

J

A 1=5. B. 1 =36. C. I:4 D. I =13.

4
Cau 20: Chohamsé f(x) liéntyctrén 0 va I x)dx =10, If (x)dx =4. Tich phan I x)dx bang
3

0

A. 4. B. 7. C. 3. D. 6.
8 8
Cau 21: Cho ham sb f (x) lién tuc trén [ thoéménjf(x)dX:Q, J.f(x)dX:?;, If(x)dX:S.
1 y

12
Tinh 1 :I f(x)dx.
1

A 1=17. B. I=1. C. I =11. D.1=7.
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] 10 6
Cau22: Cho ham so f (X) lién tuc trén [0;10] thdéa man I f (X)dx =7, _[ f (X)dx =3. Tinh
2

0
2 10
P:If(x)dx+jf X )dx
0 6
A. P=10. B. P=4. C. P=7. D. P=-6.
Cau 23: Cho f, g la hai ham lién tuc trén doan [1;3] thoa:

3

J[ f(x)+3g(x)Jdx =10, _[[Zf x)]dx:6.T|’nhj[f(x)+

1

AT B. 6. C.8. D.9.

10 6
Cau 24: Cho ham sb f(x) lién tuc trén doan [0;10] va jf(x)dx:7; If(x)dX:3. Tinh
2

0
2 10
P:If(x)dx+J.f x) dx
0 6
A P=4 B. P=10 C.P=7 D. P=—4
3
Cau 25: Cho f,g lahai ham s6 lién tuc trén [1;3] thoa man didukién [[ f (x)+3g(x)Jix=10 déng thoi
1
3 3
I[Zf (x)—g(x)Jdx=6 . Tinh I[f (x)+
1 1

A. 9. B. 6. C.7. D. 8.

3

Cau26: Cho f, g la hai ham “lién tue trén [1;3] thoa: [ F(x)+3g(x)]dx=10 wva

I[Zf(x)—g(x)]dx:G.Tinh |=I[f(x)+g(x)]d)(,

A. 8. B.7. C.9. D. 6.
Cau 27: Cho j x)dx =—2. Tich phan I[4f 2]dx bang
A. —140. B. —130. C. -120. D. -133.

Cau 28: Cho .2[[4f (x)—2x]dx =1. Khi do 'Z[f(x)dxbéng:
1

1

A. 1. B. -3. C. 3. D. -1.
1
Cau 29: Cho _[ x)dx =1 tich phan I dx bang
0
A. 1. B. 0. C. 3. D. -1.

3
Cau 30: Tich phan J. x*dx bang
1

n 2 5 2 c.2. o

3 3
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2
Cau 31: Tich phan j%dx bang
1

A. 15.

T

B.In2.

6
Cau 32: Tich phan [sinxdx béng
0

AL
2

2
Cau 33: Tich phan J.exdx bang
1

3 2
AS_E
3 2

1
Cau 34: Tich phan I x??'dx bang
0

A -1

T

B.1-—.

B. e’ —e.

B.

3
Cau 35: Tich phan Icos xdx bing
0

B3

A ——.
2

g Vo
2

Cau 36: Tich phan j.(x3 +x*)dx bang
0

Al

B. L.
12

Cau 37: Tich phan Jz.(x?' —X- 2)dx bing
1

Al

B. - L.
6

1
Cau 38: Tich phan I(sz —4x +1)dx bang
-2

A. -18.
2 N
Cau 39: Tich phéan '|.2de bang
1

A. 3.In2.

B. 18.

N |+~

oo

17

w|

N | ©

w|
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0
Cau 40: 1Tnhﬁbhphénlzzj(2x+1)dx.

-1

1
A. 1=0. B. | =1. C.1=2. D. 1 =-7.
% N
Cau 41: Giatricua I sin xdx bang
0
A. 0. B. 1. C.-1. D. %
2 odx .
Cau 42: (M4 104 2018) j bing
1 2X+3
A.1m35 B.InZ c.lmz- D.2InZ
2 5 25 5
2 odx .
Cau 43: (M3 103 2018) j —"_ bing
1 3X—2
1 2
A. 2In2 B. =In2 C. =In2 D.In2
3 3
SX+2
Cau 44: Biét dex=a+b|nc, v6i a,b,cell,c<9. Tinhtong S=a+b+c.
1
A. S=T7. B. S=5. C. S=8. D. S=6.
1
Cau 45: (Ma 102 2018) [e™“'dx bing
0
1.4 3 1.4 4
A.g(e-+e) B.e*—e C.é(e-—e) D.e*—e
6 2
Cau 46: (M4 123 2017) Cho j f (x)dx =12. Tinh |=jf(3x)dx.
0 0
A. 1=5 B.1=36 C.l=4 D.1=6

Cau 47: (M4 104 - 2019) Cho ham sé f(x). Biét f(0)=4 va f'(x)=2sin’x+3, vxeR, khi d6

f (x)dx bang

oty

2_ 2 _ 2 _ 2 _
T° =2 B.ﬂ+87r 8. C.7Z'+87Z' 2. D. 3Ir°+2x 3.

A .
8 8 8 8

Cau 48: (M4 102 - 2019) Cho ham s f(x).Biét f(0)=4 va f'(x)=2cos’x+3, Vxell, khi d6

f (X)dx bang?

Oy~ [N

72 +87+8 5 7t +87r+2 72 +67r+8 D 742

8 8 8 8
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Cau 49: Cho j;dx:aln2+bln3,vé’i a,b 1a cac s6 hiru ty. Khi d6 a+b bang

X +3X+2
A. 0. B. 2. C.1. D. -1.
2 1
Cau 50: Cho biét O—dx— aln5+ bIn3, véi a,bl & . Tinh T = a*+ b? bang
x>+ 4x+ 3
A. 13. B. 10. C. 25. D. 5.
2 dx .
Cau’51: Cho j—=a|n2+b|n3+c|n5 véi a, b, ¢ 1a cac sb hiru ti. Gia trj ciia a+b? —c?
> (X+1)(x+2)
bang
A. 3. B. 6. C. 5. D. 4.

Cau52: Chohamsé y= f(x) c6 dao ham trén [ ddng thoi théa méan f (0)= f (1)=5. Tinh tich phan

1
Iz.[f'(x)ef(x)dx.
0
A. 1=10 B.1=-5 C.1=0 D. 1=5
Cau 53: (M4 102 2018) Cho =aln3+bIn5+cIn7,véi a,b,c 14 cac s6 hitu ti. Ménh dé nao
( ) !x\/x+4
sau day dang?
A. a-b=-2c B. a+b=-2c C.a+b=c D.a-b=-—
Cau54: (M4 101 2018) Choj o 5 =aln2+blIn5+clInll, véi a,b,c 1a cac sb hitu ti. Ménh dé nao
16 XN X+
duéi day ding?
A. a+b=3c B..a-b=-3c C.a-b=-—c D. a+b=c
In X ,
Cau55: Biét dx=a+b+2 vai a,b 1a cac s6 hitu ty. Tinh S=a+b.
J.x\/1+lnx 4
A. S=1. B.S:l. C.S:E. D.S:E.
2 4 3
>
Cau'56: Cho tich phan sb | %dx:aln5+bln2 véi a,bel] . Ménh d& ndo dudi day ding?
- +
3
A. 2a+b=0. B. a—2b=0. C. 2a-b=0.. D. a+2b=0..

Cau57: Cho tich phan |=j3'”x+1

1

js”l . B. |_j3t—+1dt C.l=

0 e 1

dx . Néu dit t =Inx thi

(3t+1)dt. D 1=[(3t+1)dt.

H'—.(‘D
||
O L
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Cau58: Chohamsd y= f(x) bit f(o)zé va f'(x)=xe" véimoi xell . Khi do jxf x)dx bang

0

A & B &1 c. &1 p. &1
4 4 2 2

Cau59: (M4 103 2018) Cho j (1+xInx)dx=ae’+be+c véi a, b, ¢ 1a cac s6 hiru ty. Ménh dé nao

dudi day dang?
A. a+b=c B. a+b=-— C.a-b=c D. a-b=-c

Cau 60: (M4 104 2018) Cho j (2+xInx)dx = ae? +be+c véi a,b,cla cac sd hitu ti. Ménh dé nao sau
1

day dung?
A. a+b=c B.a-b=c C.a-b=-—= D. a+b=-c

1
Cau 61: Biét jxln(x2+1)dx=a|n2—9 (véi ab,cel” va LI phan sb tdi gian). Tinh
C C

P =13a+10b+84c.
A. 193. B. 191. C. 190: D. 189.

1
Cau 62: Biét rang tich phan J(ZX +1)e*dx =a+h.e, tich 'a.b bang

0

A. -15. B. -1. C. L D. 20.

3
Cau 63: Biét rang ton tai duy nhét cac bd sd nguyén a,b,c sao cho J'(4x+2)ln xdx=a+bIn2+ciIn3.

Gié tri cia a+b+C bang
A. 19. B. -19. C. 5. D. -5.

1
Cau 64: Cho tich phan J'(x—2)exdx:a+be,vc’wi abell . Téng a+b bing
0
Al B. -3. C. 5. D. -1.

2
Cau 65: Tinh tich phan 1 = j xe*dx .

A. | =¢2. B. I =—¢2. C.l=e. D. | =3e? —2e.

2
C&u 66: Cho tich phan | = In_x =—+a|n 2 v6i a 1a sb thuc, b va ¢ 1a cac s6 nguyén duong, dong
x?
1

thoi 2 1a phan s t6i gian. Tinh gia tri ciia biéu thuc P =2a+3b+c.
¢

A P=6 B.P=-6 C.P=5 D P=4
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DANG TOAN 18: SO PHUC LIEN HQP — CAC PHEP TOAN SO PHU'C - BIEU DIEN SO
PHUC TREN MAT PHANG PHUC

KIEN THU'C CAN NHO:
® S6 phitc 7=a+Dbi cé phan thuc la @, phan do la b,
@ S6 phirc lién hop T =a—bi va can nhé i? =-1.
® S6 phitc 7 =a+bi ¢6 diém biéu dién la M (a;b).
S6 phike lién hop 7 =a—Dbi cé diém biéu dién N (a;—b).

Hai diém M va N doi xitng nhau qua truc hoanh OX.

I.
H

e7-z 1+1'=7+417; 1-7'=7-1

17=17; (i,}; 27 = a? 417
z z

@ Hai s6 phitc bang nhau khi thire bang thiee va do bang do.

® Mb dun ciia sb phirc ; 1a: |z|=+/a? +b?

1

2]

z

o p2]=[a2] |2

o |2d-[2]|<|z+2|<[z]+[2] o l2]-|2] <[z = 2] <[z] +]2]

 Phép cong hai sé phire Cho s6 phuc Z =a+biwa z, =C+d.i . Khi do
z,+2,=(a+hi)+(c+di)=(a+c)+(b+d)i.

+ Phép trir hai sb phire z, -2, =(a+bi)—(c+di)=(a-c)+(b—d)i.
(ac—bd)+(ad +bc).i.

+ Phép nhan hai s phire 2,2, =(a+bi).(c+d.i)
k.z =k.(a+bi) = ka+ kbi
+ Phép chia hai s6 phirc
2, 2.7, 7.7, (a+bi).(c—di) :(ac+bd)+(bc—ad)i _ac+bd bc-ad :

1
Z, 2,7, |g,f c? +d? c?+d? c?+d* c?+d?*

CAU 18 PTK2021 Sb phtrc lién hop ctia s6 phic z=3+2ila

A. z=3-2i. B.z=2+3i. C.z=-3+2i. D. z=-3-2i.
Loi giai
Chon A
CAU 19 PTK2021 Cho hai sé phirc z=3+i va w=2+3i. S phirc Z—W bang
A 1+4i. B.1-2i. C. 5+4i. D. 5-2i.
Loi giai
Chon B

Tacd z—w=(3+i)—(2+3i) =1-2i.
CAU 20 PTK2021 Trén mit phang toa do, diém biéu dién s6 phirc 3—2i c6 toa do 1a
A. (23). B. (-2:3). C. (32). D. (3,-2).

Loi giai
Chon D
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Trén mit phing toa do, diém biéu dién sé phic a+bi c6 toa do 1a (a; b) nén diém biéu dién sb
phic 3-2i la (3; —2).

Caul: (D& Tham Khao 2020 Lan 2) S6 phirc lién hop cia s6 phitc z=2+i 1a

A Z=-2+I. B.Z=-2-1i. C.Z7=2-1. D. Z=2+i.
Cau?2: (Ma 101 - 2020 Lan 1) Sé phtc lién hop cua s6 phirc z=-3+5i la:

A. Z=-3-5i. B. Z=3+5i. C.Z=-3+5i. D. 7=3-5i.
Cau3: (Ma 102 - 2020 Lan 1) S6 phtic lién hop cta s6 phitc z=-2+5i 1a

A. 7=2-5i. B. Z=2+5i. C. Z=-2+5i. D.Z=—2-5i.
Cau4: (Ma 103 - 2020 Lan 1) S6 phtc lién hop cua s6 phirc z=2-5i la

A. z=2+5i. B. z=—2+5i. C.z=2-5i. D.z=—2-5i.
Cau5: (M4& 104 - 2020 Lan 1) S6 phirc lién hop cua s phac z=3-5i la

A. z=-3-5i. B. z=3+5i. C. z=-3+5i. D. z=3-5i.
Cau6:  (Ma 104 2019) S6 phuc lién hop cua s6 phirc z=3-2i a:

A. 3+2i. B. —3-2i. C. 2+3i. D. —3+2i.
Cau7: (M4& 103 -2019) Sé phirc lién hop cua sb phire 1-2i &

A. -1-2i. B.1+2i. Cl=2+i. D. —1+2i.
Cau8:  Sé phic lién hop cua s6 phitc z=2i la

A Z=-2i. B.Z=2-i. C.7=2-i. D. Z=2+i
Cau9: Cho sb phirc z=-3(4-3i). Khi d6 s6 phirc lién hop ciia z 1a

A Z=-12+9i. B. Z==12-9i. C.7=12-9i. D. 12+9i.
Cau 10: Cho hai s6 phire 2 =11 vaZe =231 g4 e lign hop ciia 2= 4+ 22 Ja;

A. Z=-3-2i. B.Z=3-2i. C. Z=-3+2i. D. Z=3+2i.
Cau11: Cho hai sé phic 2=271 va 2 =372 ¢ phc lien hop cia 2= 4722 1

A Z=-1+i. B.Z=1-i. C.zZ=-1-i. D. Z=1+i.

. , 1

Cau 12: S0 phuc lién hop cua so phirc Z =1 la

Az--1_1; B z-1+1i) cz--1:%  pz=iL

2 2 2 2 2 2 2 2

Cau 13: Cho hai s phuc 2 =172 va 2 =273 ¢ phirc lién hop ciia V=34 722 |3

A W=-1-12i. B. W=-1+12i. C. W=1-12i. D. w=-1-13i.
Cau 14: Cho s6 phirc z=1—i+i%. S6 phtrc lién hop cua z 1a

A Z=1+2i. B.Z=-1-2i. C.Z7=2+i. D.7=1
Cau 15: Cho Z =1-3i 1a s6 phtc lién hop cua z . Tim s phuc z ?

A z2=1+3i. B. z=1-3i. C.z=-1-3i. D. z=-1+3i.

Cau 16: Cho Z =2021+2022i 1a s6 phirc lién hop cua z . Tim s phiic Z .
A. 2=2021+2022i. B.z=-2021-2022i. C. z=2021-2022i. D. z=-2021-2022i.
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Cau 17: (M4 104 2017) Cho s6 phirc z=2+i. Tinh |z].
A. |z]=+5 B. |z|=5 C.lz=2 D. |z]=3
Cau 18: (Chuyén Ha Long 2019) Sé phtrc ddi cua z=5+7i 13?
A z7=5+7i. B. -z=-5-Ti. C.-z=-5+Ti. D. -z=5-7i.
Cau 19: (P& Tham Khao 2020 Lan 2) Trén mit phing toa do, diém biéu dién sé phirc z=-1+2i la
diém nao dudi day?
A. Q(L2). B. P(-12). C. N(L-2). D. M(-%-2).
Cau 20: (M4 101 - 2020 Lan 1) Trén mit phing toa d9, biét M (—3;1) 1a diém bicu dién s phuc z.

Phan thyc ciia z bang
Al B. -3. C. -1. D. 3.

Cau21: (Ma& 102 - 2020 Lan 1) Trén mat phing toa d9, bi¢t M (~13) la diém bicu dién s phirc z.

Phan thuc cua z bang

A. 3. B. —1. C. -3. D. 1.
Cau22: (Ma 102 - 2020 Lan 2) Trén mit phang toa do, diém nao dudi day 1a diém biéu dién sd phirc
z=1-2i?
A. Q(1;2). B. M(2;1). CrP(-2;1). D. N(1;-2).
Cau 23: (Ma103 - 2020 Lan 2) Trén mat phang toa do, diém nao dudi day 1a diém biéu dién caa sé phirc
72=3-2i7?
A. P(-32). B. Q(2-3). C. N(3,-2). D. M(-23).
Cau 24: (Pé Tham Khao 2018) Piém M. trong hinh v& bén 1a diém biéu dién s6 phirc
yll
M
r----- 1
1
: -
_9 0] 1
A. z=1+2i B. z=1-2i C.z=2+i D. z=-2+i
Cau 25: (Pé Tham Khao 2019) Diém ndo trong hinh v& bén 1a diém biéu dién cua sé phirc Z =—1+2i
?
v 4
P‘____i______l _______ &
L PR
—92 1 0 E
......... i
M
A. P B. M C.Q D. N
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Cau 26: (M4 110 2017) S6 phtrc nao dudi ddy co diém biéu dién trén mit phang toa d6 1a diém M nhu hinh

bén?
y
My - - _ 1
| ®
-2 0
A z,=1-2 B. z,=1+2i C. z,=-2+i D. z,=2+i
Cau 27: Diém M trong hinh v& bén 1a diém biéu dién cua sb phirc z . Tim phan thue va phan 4o cua sb
phuc z.
Vi
3
0 X
i
|
| — -+
M
A. Phan thyc 1a 3 va phan ao la—4i B. Phanrthuc 1a 3 va phan 4o la -4
C. Phan thyc la—4va phan 4o 1a 3i D..Phan thuc 1a—4 va phan ao la 3

Cau 28: (THPT Hung Vwong Binh Phwéc 2019) Trong hinh v& bén, diém M biéu dién s phic z. S6

phirc z 1
VA
] ?M
0 S
A 1-2i. B. 2+1. C.1+2i. D. 2-1.
Cau 29: (Thanh Ho6a 2019) Piém M trong hinh v& bén dudi biéu thi cho sb phirc
yl\
M
S 3
i X
_2 o
A. 3+2i. B. 2-3i. C. —2+3i. D. 3-2i.
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Cau 30: (Chuyén Lam Son Thanh Héa 2019) Piém M trong hinh v& bén biéu dién sb phirc z . Chon
két luan ding vé sb phirc z.

wh

A&

-3 O‘

A. 7=3+5i. B. z=-3+5i. C.z=3-5i. D. z=-3-5i.

Cau 31: (Pé Thi Céng Bang KHTN -2019) Diém M trong hinh v& 13 biéu dién hinh hoc cta sb phirc
nao dudi day?

A . z2=2-i. B.z=2+i. Coz=-1+2i. D.z=-1-2i.

Cau 32: Diém nao trong hinh v& dudi ddy 1a diém biéu din sé phirc lién hop cua sé phirc z=-3i+2?

Vi
K| — N
M 2 i
T !
i g
-3 0 2
QLJ ':
3T 1p
A. M. B.N. C.Q. D.P.
Cau 33: (THPT Hung Vuong Binh Phuée 2019) Trong hinh vé bén, diém M biéu dién s6 phirc z. Sb
phtrc z 1a:
VA
| ?M
0 2 X
A 1-2i. B. 2+1i. C.1+2i. D. 2—1.
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Cau 34: (P& Minh Hoa 2020 Lan 1) Cho hai s phtic z, =—3+i va z, =1—i. Phan ao cia s6 phirc

z,+1, bang
A. -2, B. 2i. C. 2. D. —2i.
Cau 35: (P& Tham Khao 2020 Lin 2) Cho hai s6 phitc z, =2+i Vva z, =1+3i. Phan thuc ciia s6 phirc
z,+1, bang
A. 1. B. 3. C. 4. D. -2.
Cau 36: (M4 101 - 2020 Lan 1) Cho hai s6 phtic z, =3—-2i va z, =2+i. S6 phiic z, +2, bang
A. 5+1. B. 5+i. C. 5-1. D. -5-i.

Cau 37: (M4 103 - 2020 Lan 1) Cho hai s6 phtic z, =1-2i va z, =2+i. S6 phic z, +2z, bang
A. 3+i B. —3—i C. 3-i D. —3+i

Cau 38: (M4 102 - 2020 Lan 2) Cho hai s6 phic z, =1+2i va z, =4—i. Sé phiic z, -z, bing
A. 3+3i. B. —3-3i. C. -3+3i. D. 3-3i.

Cau 39: (M4 103 - 2020 Lan 2) Cho hai s6 phic z; =1-3i va z, =3+i. Sé phiic z —2, bang
A —2-4i. B.2-4i. C. 2+4i, D. 2+4i.

Cau 40: (M4 104 - 2019) Cho hai sb phirc z, =2—i va z, =1+i Trén mit phing toa d6 Oxy , diém biéu
dién ctia s6 phiic 27, +Z, ¢ toa do 1a
A. (0;5). B. (5,-1). C.(-15). D. (5;0).

Cau41: (M4 103 - 2019) Cho hai s phic z'=1+i va z,=2+i. Trén mit phang toa do Oxy, diém
biéu dién sb phuc z, + 2z, c6 toa dola
A. (35). B: (5:2)- C. (5,3). D. (2;5).

Cau 42: (Chuyen Phan Bgi Chau Nghg¢ An 2019) Cho hai s6 phiic 2, =1+i va z, =2-3i. Tinh modun
ctia s6 phic 2, +2,.
A. |z, +2,|=1. B. |z,+2,|]=+/5. C. |z +2,|=13. D. |z,+17,|=5.

Cau 43: (P& Tham Khio 2020 Lan 2) Cho hai s6 phitc z, = 3- i Vd z, = - 1+ i. Phin 4o ctia s6 phirc
2,2, bang
A. 4. B. 4i. C. -1. D. —i.

Cau 44: (M4 101 - 2020 Lan 1) Cho hai sé phirc Z=1+21 v W=3+1 Masdun cua sé phic ZW bing
A. 52. B. v/26. C. 26. D. 50.

Cau45: (M 102 - 2020 Lan 1) Cho hai s6 phirc Z=2+2i va W=2+i Mp dun ctia s6 phirc ZW
A. 40. B. 8. C. 242. D. 210

Cau 46: (M4 102 - 2020 Lan 2) Cho s6 phirc z =21, s6 phirc (2-3i)Z bang
A. —1+8i. B. —7+4i. C.7-4i. D.1+8i.

Cau 47: (M4 103 - 2020 Lan 2) Cho sb phic z=-2+3i, s6 phuc (1+i)Z béng
A. -5-i. B. —1+5i. C.1-5i. D. 5-i.
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Cau 48:

Céu 49:

Cau 50:

Cau 51;

Cau 52:

Cau 53:

Céu 54:

Céau 55:

(M4 101 - 2019) Cho hai s6 phttc z, =1-i va z, =1+ 2i. Trén mit phang toa do Oxy, diém

biéu dién s phirc 3z, + 2, c6 toa do la:

A. (L4). B. (-L4). C. (41). D. (4-1).

(THPT Cam Giang 2 2019) Cho s6 phirc Z théa man z(1+2i)=4-3i . Tim s6 phc lién hop
Z cua Z.

A T

Cho s6 phtrc Z théa man z(1+i)=3-5i. Tinh modun cua z

A |z|=17. B. |z|=16. C. |7|=17. D. |z]=4.

(THPT Yén Phong Sé 1 Bic Ninh 2019) Cho s6 phirc z=-2+i. Diém nao dudi day 1a biéu
dién cua sd phirc W=z trén mat phfmg toa do?

A. M (-1-2). B. P(-2,1). C. N(21). D. Q(12).

(Chuyén Bic Giang 2019) Cho s6 phtic Z =1+ 2i . Tim tong phan thuc va phan 4o cua sd phuc
W=27+12.

A. 3 B.5 C.1 D. 2

(THPT Gia Léc Hai Dwong Nim 2019) Timtoa do'diém M 1a diém biéu dién sb phirc Z biét
z thoa man phuong trinh (1+ I)E =3-5i-.

A. M (-1;4). B. M (-1;—4). C. M(1;4). D. M(1;-4).
(Chuyén Lwoeng Thé Vinh Pong-Nai 2019) Cho s6 phirc z théa man (1+3i)z—5=7i. Ménh

dé nao sau day dung?

A Z=T-20 B 7= B, 4 oz B 4 o B84

5 5 5 5 5

albd

(Chuyén Bic Giang 2019) Cho s6 phirc z théa man phuong trinh (3+2i)z+(2—i)> =4+i. Tim
toa do diém M biéu dién sb phirc z.
A. M (-11) B. M(-1-1) C. M (L1) D. M(L3-1)
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{ DANG TOAN 21: THE TiCH KHOI PA DIEN PON GIAN J

KIEN THUC CAN NHO:

1. Thé tich khoi chép |V = % B.h

2. Thé tich khdi ling tru [V = B.h

|| Thé tich khéi 1ap phuong I Thé tich khéi hop chit nhat

CAU 21_DPTK2021 Mot khdi chop cé dién tich‘day.bang 6 va chiéu cao bang 5. Thé tich ciia khbi chop

d6 bang

A. 10. B. 30. C. 90. D. 15.
Loi giai

Chon A

Thé tich ctia khéi chop: V = % B.h =%.6.5 =10 (dvtt).
CAU 22_PTK2021 Thé tich ciia khdi hop chir nhat c6 ba kich thude 2;3;7 bang
A. 14, B. 42. C. 126. D. 12.
Loi giai
Chon B
Thé tich ctia khbi hop chir nhat: 2.3.7 =42 (dvtt).
Caul: (P& Tham Khao 2020 Lan 2) Cho khdi chop c6 dién tich ddy B =3 va chiéu cao h=4. Thé
tich ctia khdi chop da cho bang

A. 6. B. 12. C. 36. D. 4.

Cau?2: (Ma& 101 - 2020 Lan 1) Cho khdi chop c6 dién tich ddy B =6 va chiéu cao h=2. Thé tich caa
khdi chop da cho bang:
A. 6. B. 3. C. 4. D. 12.

Cau3: (M4 102 -2020 Lan 1) Cho khdi chép co dién tich day B =3 va chiéu cao h=2. Thé tich khdi
chop di cho bang
A. 6. B. 12. C.2. D. 3.
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Cau4: (Ma 102 - 2020 Lan 2) Cho khéi chép c6 dién tich ddy B =6a” va chiéu cao h=2a. Thé tich
khdi chop da cho bang:
A. 2a°. B. 4a°. C. 6a°. D. 12a°.
Cau5: (M4 105 2017) Cho khéi chép S.ABC c6 SA vudng goc véi day, SA=4, AB=6, BC =10 va
CA=8. Tinh thé tich V ctia khdi chop S.ABC.
A V=32 B.V =192 C.V =40 D.V=24
Cau6: Cho hinh chép S.ABC c6 day 1a tam gidc déu canh a, canh bén SA vudng goc véi day va thé
3
tich cua khéi chop dé bang %. Tinh canh bén SA.
A. ¥ B. % C. a3. D. 2a+/3.
Cau7: Cho hinh chép S.ABC c6 ddy ABC la tam gidc déu canh a. Biét SA L (ABC) va SA=a+/3.
Tinh thé tich khéi chop S.ABC.
3 3 3
A2 B. a C. a D. 3a’
4 2 4 4
Cau 8: Cho hinh chdp S.ABC co day la tam giac déu canh a..Canh bén SC vudng goc v6i mit phang
(ABC), SC =a. Thé tich khéi chép S.ABC bing
3 3 3 3
A TV g &2 c a3 p, &3
3 12 9 12
Cau9:  Cho khéi chép S.ABC c6 dédy ABC la'tam giac vuong tai B, AB=a, AC =2a,SA L (ABC) va
SA=a. Thé tich ctia khdi chép da cho bang
3 3 3 3
PNEREY g &3 c. 2 p. 2.
3 6 3 3
Cau 10: Cho hinh chép S.ABCD co6 day ABCD Ila hinh chir nhat, AB=3a va AD=4a. Canh bén SA
vudng géc voi mit phang (ABCD) va SA= a/2 . Thé tich ctia khdi chép S.ABCD bing
3 3
A 428°. B. 124/28°. C. 4‘/5"" . D. 2*/356‘ .
A . R o7 , A ’ y 1A , , J 3 N A N 2\/§ N
Cau 11: The tich ctua khoi chop c6 dién tich day bang > va chi€u cao bang 3 la
A.ﬁ. B.l. C.Q. D. 1.
6 3 3
Cau 12: Cho khéi chép S.ABCcé day ABC 1a tam giac vudng can tai B, do dai canh AB=BC=a,
canh bén SA vudng goc véi day va SA=2a. Tinh thé tich V cua khéi chop S.ABC.
a’ a’ a’
AV =—. B.V=—. C.v=a’ D.V=—.
3 2 6
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Céau 13:

Cau 14:

Cau 15:

Céu 16:

Cho hinh chép S.ABC, c6 day ABC la tam giac vudng can tai A, SA=AB=a, SA vudng
gdc voi mit phiang (ABC) . Thé tich cua khdi chop S.ABC bang
a’ a’ a’ 3a°

A —. B. —. C. —. D. —.
3 6 2 2

Cho tir dién OABC c6 OA, OB, OC d6i mot vudng goc va OA=0B =0C =a. Khi do thé tich
cua tir dién OABC la
3 3 3 3
AL B. L. c. 2 D. 2.
12 6 3 2
Cho hinh chép S.ABC c6 dién tich ddy l1a a*«/3, canh bén SA vudng goc v6i day, SA=a. Tinh
thé tich khéi chép S.ABC theo a.

3 3 3
A a3, B.af. c.af. D.af.

Cho hinh ch6p S.ABCD c6 day la hinh vuéng ABCD canh a, canh bén SA vudng goc voi mat
phang day va SA= av/2 . Thé tich cta khéi chop S.ABCD bang

3 3 3
AV =+2a°. B,y = Y2 c.v =Y Dy = Y2
6 4 3
Cau 17: Cho hinh chép tir gisc S.ABCD c¢6 day ABCD ‘la hinh vudng canh bang a, SAJ_(ABC),
SA=3a. Thétich V ciia khbi chop S.ABCD.la:
A V=a’. B.V =3a°. C.V:%as. D.V =2a’.
Cau 18: Thé tich cua khdi chop tir gidc déu ¢6 tat ca cac canh bang a la
3 ) 3
a EV2 g 22 C. a%. p, &V2.
6 3 2
Cau 19: (M4 104 2017) Cho khdi chop tam gidc déu S.ABC c6 canh ddy bang a va canh bén bang 2a
. Tinh thé tich V ctia khdi chép S.ABC.
3 3 3 3
v - Yia g,y - Yia c.y - Vi3 b,y - Y2
6 4 12 12
Cau 20: Cho mét hinh chop tam giac déu c6 canh day bang a, goc giita canh bén va mit phiang day bang
45°, Thé tich khdi chop d6 1a
3 3 3 3
p EV3 B. L. c. & p, V3,
12 12 36 36
Cau 21: (M4 123 2017) Cho khdi chop tir giac déu c6 canh day bang a, canh bén gap hai 1an canh déy.
Tinh thé tich V ctia khéi chép da cho.
3 3 3 3
A v Y22 g,y = Ylda c.y -2 D,y - Y14
2 2 6 6
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Cau 22:

Cau 23:

Céu 24:

Céu 25:

Cau 26:

Céu 27:

Cau 28:

Céau 29:

Céau 30:

Céu 31:

Céau 32:

Cho khdi chop tir giac déu c6 canh day bang 2a canh bén bang av/5 . Thé tich cua khdi chop da
cho bang

3 3
A 453, B. 432% C. 4‘/56‘ . D. 4*/??_6‘ .

Cho hinh chép ttr gidc déu S.ABCD c6 canh day bang a6 , gbc giita canh bén va mat day bang
60°. Tinh thé tich V ctia khbi chop S.ABC?

A.V =9a° B.V =2a° C.V =3a° D.V =6a°
(M4& 101 - 2019) Thé tich khéi lang tru c6 dién tich ddy B va co chiéu cao h la
A. Bh. B. 2gn. c. Len. D. 3Bh.
3 3
(P& Minh Hoa 2020 Lan 1) Cho khéi 1ap phuong c6 canh bing 6 . Thé tich ctia khdi 1ap phuong
d3 cho bang
A. 216. B. 18. C. 36. D. 72.
(Pé Tham Khio 2020 Lin 2) Thé tich khdi 1ap phuong canh. 2 bang
A. 6. B. 8. C. 4. D. 2.
(M& 101 - 2020 Lan 1) Cho khéi hop chit nhat ¢ 3 kich thude 3;4;5. Thé tich ctia khbi hop da
cho bang?
A. 10. B. 20. C.12. D. 60.
(M& 102 - 2020 Lan 1) Cho khéi hop hinh chit nhat c6 ba kich thudc 2; 4; 6 . Thé tich cua khbi
hop di cho bing
A. 16. B.12. C. 48. D. 8.
(M& 102 - 2020 Lén 2) Cho khoilang try c6 dién tich day B =3 va chiéu cao h=2. Thé tich

ctia khdi lang try da cho bang
Al B. 3. C. 2. D. 6.

(M4 103 2018) Cho khéi lang tru c6 day 14 hinh vudng canh a va chiéu cao bang 4a. Thé tich
ctia khéi lang tru da cho bang
A. 16a° B. 4a° c. Lgs D. a8
3 3
(M& 104 2018) Cho khbi lang tru c6 day 1a hinh vudng canh a va chiéu cao bang 2a. Thé tich
ctia khdi lang try da cho bang
2 3 4 3

A —a B. -a C. 2a° D. 4a°
3 3

Cho khéi lang tru c6 dién tich day bang a’\3 , khoang cach giira hai day cua lang try bang a\6
. Tinh thé tich V cta khéi ling tru

a’y2 3a°y/2
AV =3a%\2 B.V =a’\2 C.V= ;/_ D.V = 4J_
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Cau 33: (Ma 102 -2019) Cho khdi ling try dimg ABC.A'B'C’ ¢6 day 1a tam giac déu canh a va AA =2a
(minh hoa nhu hinh v€ bén).
A c

Bi
{ =l e
B
Thé tich cua khéi lang tru dd cho bang
3 3 3
A. J§2a . B. */§6a . C. \3a’. D. ‘/ia .

Cau 34: (P& Minh Hoea 2017) Tinh thé tich V ctia khéi lap phuong ABCD.AB'C'D’, biét AC’ =a+/3.

B 363’

4
Cau 35: Cho khdi lang try ding ABC.AB'C'c6B'C =3a, day ABCla tam giac vudng cin tai B va
AC =a+/2. Tinh thé tich V ctia khéi lang tru dimg ABC.A'B'C’.

AV =2a B.V C.V =333 D.V=-a

3 3
AV =23 B. V =/2a%. oy M2 D.V=21_.
3 62

Cau 36: Cho hinh ling try dimg ABC.A'B'C".¢c6.diay ABC la tam giic vudng tai A, biét AB=a,
AC =2a va A'B=3a. Tinh thé tich.ctia khéi lang try ABC.AB'C’.

3 3
A. 2*/36‘ . B. */ia . C. J5a’. D. 24/2a°.
Cau 37: Lang try tam giac déu c6 do dai tat ca cic canh bang 3. Thé tich khdi ling try da cho bang:
p 2 5 26 c 95 o 268,

Cau 38: (Pé Tham Khio 2019) Thé tich cua khdi lap phuong canh 2a bang
A. 8a° B. 2a’ C.a’ D. 6a°
Cau 39: (M4 104 2019) Cho khdi ling try ding ABC.A'B'C’ c6 day la tam giic déu canh a va
AA'=4/2a (minh hoa nhu hinh v& bén duéi).
A C’

B
Thé tich ctia khoi lang tru da cho bang

3 3 3 3
A o2 g, V6a' c. Yo' p, Y6a’
2 4 6 12
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Cau 40: (M4 103 2019) Cho khdi ling try ding ABC.A'B'C' ¢ day 1a tam giac déu canh 2a va
AA'=3a (minh hoa nhu hinh v€ bén).

A c

Thé tich cua khéi lang tru dd cho bang
A. 6/3a°. B. 3./3a°. C. 24/3a%. D. J/3a°.

Cau 41: (Ma 101 -2019) Cho khéi ling tru ding ABC.A'B'C' c6 day 1a tam giac déu canh a va
AA' = /3a (minh hoa hinh v& bén). Thé tich khdi ling tru da cho bing.

A C'

3 3
A.aI. B.a?. c. 22 D. 22

Cau 42: Cho hinh lang try dimg ABCD.A'B'C'D’ c6 day 14 hinh thoi, biét AA'=4a, AC =2a,BD =a.
Thé tich V cua khéi lang tru 1a

A.V =8a°. B.V =2a%. C.V:gas. D.V =4a’°.
Cau 43: Hinh lap phuong c6 d¢ dai dudng chéo bang 6 thi c6 thé tich 1a
A. 2J2. B. 5442 . C. 2443. D. 8.
Cau 44: Cho khdi hop chir nhat ABCD.AB'C'D’ ¢ AA’ =a, AB =3a, AC =5a . Thé tich ciia khdi hop
dachola
A. 5a°. B. 4a°. C.12a°. D. 15a°.
Céau 45: Cho hinh hdp dling c6 canh bén d6 dai 3a, day la hinh thoi canh a va c6 mot goc 60°. Khi do6
thé tich khdi hop 1a
3 3 3 3
A. 3a4‘/§. B. af. C. af. D. 3a2‘/§.

CAau 46: Cho hinh lang tru dimg ABCD.A'B'C'D’, c6 ABCD la hinh vudng canh 2a, canh AC'=2a+/3
.Thé tich khéi lang try ABC.A'B'C’ bang
A 4a°. B. 3a°. C. 2a°. D. a°.
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DANG TOAN 23: THE TiCH - DIEN TiCH XUNG QUANH - DIEN TiCH TOAN PHAN CUA
KHOI NON — TRU — CAU PON GIAN

KIEN THUC CAN NHO:

MAT NON

Céc yéu té mat non:

M#t s6 cong thiic:

< Hinh thanh: Quay A vudng

SOM quanh truc SO, ta dugc
mat non nhu hinh bén véi:

[ Puong cao: [h=S0]. (SO ciing
dugc goi la truc cua hinh nén).

] Ban kinh day:
Ir=OA=0B=0M|.

) Pwong sinh:

[l =SA=SB=SM|.

1 Goc 6 dinh:

] Thiét dién qua truc: ASAB can
tai S.

] Gdc giira dwong sinh va mat

] Chu vi day: .

] Dién tich day:

S, =xr?|.

[ Thé tich: |V =1h.sd :%h.m2 :

3
(lién tiong dén thé tich khoi chop).
1 Dign tich xung quanh: |S, = zrl|.

] Dién tich toan phan:

_ _ 2
Sp =S+ Sy =7arl+7r°|.

h=50 day: [ |S40 = SBO = SMO|
r=0OM’
MAT TRU Céc yéu té mit tru: M#t s6 cong thikc:

(A)

< Hinh thanh: Quay hinh
chir nhat ABCD quanh
duong trung binh OO’ ta c6
mat tru nhu hinh bén.

(1 Puong cao: |h=00/|
1 Pwong sinh: || = AD=BC|. Ta

co: [l =h|

] Ban kinh day:
[r=0A=0B=0'C=0D|

[ Truc (A) 1a dudng thang di qua
hai diém O, O'.

] Thiét dién qua truc: La hinh chit
nhat ABCD.

|1 Chu vi day: .

2
S, =nrv|

] Dién tich day:
[] Thé tich khéi tru:
V =hS, =hzr?|.
Dién tich xung quanh:
S,q =2nr.h|.

Dién tich toan phan:
Sy =S, +2S, = 2zrh+2717|
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MAT CAU M#t s6 cong thikc:

[0 Tam |, ban kinh R=1A=IB=1IM .
(1 Pwong kinh AB=2R.

[J Thiét dién qua tam mit cau: La dudng
tron tdm 1, ban kinh R.

[J Dién tich mat cau: .
@ Hinh thanh: Quay duong tron tam | i o 47R?

AB [1 The tich khoi cau: |V =
, ban kinh R == quanh truc AB, ta 3

c6 mat cAu nhu hinh v&.

CAU 23 PTK2021 Cong thirc tinh thé tich V ctia khdi nén c¢6 ban kinh day r va chiéu cao hla:

A.V = zxrh. B. V =zr?h. C.V =%7rrh. D.V =%7zr2h.

Loi giai
Chon D

Thé tich khdinén 1a V = %ﬁrzh.

CAU 24_PTK2021 Mot hinh try c6 ban kinh day. r =4cm va d6 dai dudng sinh | =3cm. Dién tich xung

quanh cua

hinh try d6 bang

A. 127cm?. B. 487 cm?. C. 24zcm?. D. 36zzcm?.
Loi giai

Chon C

Dién tich xung quanh hinh try 13 S = 271l = 247zcm”.

Caul: (PéMinh Hea 2020 Lan 1) Dién tich xung quanh ctia hinh nén cé d6 dai duong sinh | va ban
kinh day r bang
A. 4rrl. B. 2zrl. C. zrl. D. %ﬂrl :
Cau2: (Ma 102 - 2020 Léan 2) Cho hinh nén c¢6 ban kinh day r =2 va d6 dai duong sinh | =7. Dién
tich xung quanh cta hinh non di cho bang
A. 287. B. 14r. C. 14—” D. 98—”
3 3
Cau3: (Ma 101 - 2020 Léan 2) Cho hinh nén c¢6 ban kinh day r =2 va do dai duong sinh 1 =5. Dién
tich xung quanh ctia hinh nén di cho bang
A. 207. B. 207 C. 101. p. 107,
3 3
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Cau 4: Goi |,h,r lan luot 1a 6 dai duong sinh, chiéu cao va ban kinh mit ddy cta hinh nén. Dién tich

xung quanh S, cta hinh nén la:

A. S, e B. S,  =rl. C. S, =xrh. D. S, =2xrl.
3

Cau5:  Cho hinh nén c6 ban kinh day bang a, dudng cao 1a 2a. Tinh dién tich xung quanh hinh nén?
A. 2\5za?. B. \5za’. C. 22, D. 5a°.

Cau6:  (Ma 104 2017) Cho hinh nén c6 ban kinh ddy r =~/3 va do dai duong sinh | =4. Tinh dién tich
xung quanh cua hinh nén da cho.
A. S, =83 B. S, =12z C. S, =437 D. S,, =+/397

Cau 7: Mot hinh nén c6 thiét dién qua truc 1a mot tam gidc vudng cin co canh goc vudng bang a. Tinh
dién tich xung quanh cua hinh non.
27a’ \/E ra’ \/E ra’ \/E

A. . B. . C. ra’yJ2. D. .
3 4 ma’\2 2

Cau 8:  Cho hinh nén c6 duong sinh | =5, ban kinh day r = 3. Dién tich toan phan ciia hinh nén d6 la:
A. 'S, =157. B. S, = 20. C. Sy;=227. D. S, = 24r.

Cau9: (P& Tham Khao 2020 Lan 2) Cho khdi nén c¢6 chiéu cao h=3 va ban kinh ddy r =4 . Thé tich
ctia kh6i noén di cho bang
A. 167. B. 48r. C. 36r. D. 4r.

Cau 10: (Ma& 101 - 2020 Lan 1) Cho khéi nén'¢6'ban kinh day r =5 va chiéu cao h=2. Thé tich khi
n6n da cho bang:
A 7 B. 107 c. % D. 507
3 3
Cau 11: (Ma& 102 - 2020 Lan 1) Cho'khdi non co6 ban kinh day r =4 va chiéu cao h=2. Thé tich cua
khbi nén da cho bang
8 32

A —. B. 8x. C.—. D. 32r.
3 3

Cau12: (M4 110 2017) Cho khéi non c6 bén kinh ddy r = /3 va chidu cao h=4. Tinh thé tich V cta khéi
non da cho.

B 1672\/§

AV =127 B.V =4r C.V =1673 D.V 3

Cau 13: Cho tam giac ABC vudng tai A, AB =c, AC =b. Quay tam giac ABC xung quanh duong thang

chira canh AB ta dugc mdt hinh nén co thé tich bﬁng

A. 17rbCz. B. EbCz. C. 1bzc. D. 17rbZC.
3 3 3 3

Cau 14: (P& Tham Khao 2019) Cho khdi nén c6 d6 dai duong sinh bang 2a va ban kinh day bang a.
Thé tich ctia khdi nén di cho bang

3 3 3 3
2
p Y3ra g V37 c. & D. 22
3 2 3 3
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Cau 15;

Cau 16:

Cau 17:

Céu 18:

Céu 19:

Céau 20:

Céu 21:

Céau 22:

Cho khdi nén c6 do dai duong sinh bang 2a va dudng cao bang a3 . Thé tich ctia khdi non da

cho bang
3 3 3 3

A 2F g, Y3ra’ c, Y3ra’ p. 22
3 2 3 3

Cho khéi nén c6 d6 dai dudng sinh bang dudng kinh day bang a. Thé tich khéi non 1a.
3 3 3 3

p TS g, 733 c 73 p, F&\3.
16 48 24 8

Cho hinh nén ¢6 ban kinh day bang 2 (cm), goc & dinh bang 60°. Thé tich khdi nén 1a

Av =2 (o) By -8B oy —grda(em). D.v =2 (o)

Cho khdi nén tron xoay c6 dudng cao h =15 cm va dudng sinh | = 25cm. Thé tich V cta khoi
non la;
AV :15007r(cm3). B.V =5007 (cm3). C.V =240r (cm3). D.V = ZOOOE(CmB).

(Pé Tham Khzo 2020 Lan 2) Dién tich xung quanh cta hinh tru c6 d6 dai dudng sinh | va béan
kinh day r bang

A. 4rxrl. B. zrl. C. %ﬂ'ﬂ ) D. 2xrl.

(M4 101 - 2020 Lan 1) Cho hinh tru ¢6 ban kinh day R =8 va d¢ dai dudng sinh 1=3. Dién
tich xung quanh ctia hinh try da cho bang:
A. 24r . B. 192r. C. 48r. D. 64r.

(M4 102 - 2020 Lin 1) Cho hinh.tru'c6 ban kinh déy r =4 va do dai duong sinh 1=3. Dién
tich xung quanh cua hinh tru‘da'cho bang
A. 48r. B.12x. C. l16r. D. 24r.

(P& Minh Hoa 2020 Lan 1) Cho hinh try ¢6 ban kinh day bang 3. Biét rang khi cit hinh tru da
cho béi mot mat ph'flng qua truc, thiét dién thu dugc 1a mot hinh vudng. Dién tich xung quanh
ctia hinh try d cho bang
A.18x. B. 367. C. Hr. D. 27r.

Cau 23: (M4 105 2017) Cho hinh tru c6 dién tich xung quanh bang 507 va do dai duong sinh bang
duong kinh ctia duong tron day. Tinh ban kinh r ctia duong tron day.
A.r=5\/; B. r=5 C.r:5‘2” D.r:ﬂ

2 2

Cau 24: Cho khoi tru (T) c6 ban kinh ddy R=1, thé tich V =57 . Tinh dién tich toan phan cua hinh tru
tuong Ung
A. S=12x B. S=11r C. S=10xr D.S=7rn

Cau 25: Tinh dién tich xung quanh cua hinh tru biét hinh tru c6 ban kinh day la a va duong cao la a«/§ .
A. 27a? B. za’ C. 7ra2\/§ D. 27za2\/§

Cau 26: Mot hinh try c6 dién tich xung quanh bang 4za’ va ban kinh day 1a a. Tinh d6 dai dudng cao
cua hinh tru do.
A a. B. 2a. C. 3a. D. 4a.
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Cau 27:

Cau 28:

Cau 29:

Céau 30:

Céau 31:

Céu 32:

Céau 33:

Cau 34:

Céau 35:

Céau 36:

Céau 37:

Céau 38:

M6t hinh tru c6 ban kinh day bang 2cm va c6 thiét dién qua truc 12 mot hinh vudng. Dién tich
Xung quanh cuaa hinh try la
A. 8zcm® B. 4zcm?® C. 32zcm® D. 16zcm®

Cho hinh tru c¢é dién tich xung quang bang 8za® va ban kinh day bang a. Do dai duong sinh
cta hinh tru bang:
A. 4da. B. 8a. C. 2a. D. 6a.
(M3 101 - 2020 Lén 2) Cit hinh try (T) bdi mot mat phang qua truc cia n6 ta duoc thiét dién
1a mot hinh vudng canh bang 7. Dién tich xung quanh cia (T) bang

491 491

A —. B. —. C. 49r. D. 98r.
4 2
(M3 104 - 2020 Lan 2) Cét hinh tru (T ) b&i mot mat phang qua truc cua no, ta duoc thiét dién
la mot hinh vudng canh bang 5. Dién tich xung quanh cua (T ) bing
A. 25—” B. 257. C. 50r. D. 25—”
2 4
(M4& 102 - 2020 Lan 2) Cho khéi try c6 ban kinh day:bang r =5 va chiéu cao h=3. Thé tich

ctia khéi try da cho bang

A. 5. B. 30r. C.25r. D. 75rx.
(M4 103 - 2020 Lan 2) Cho khdi tru ¢6 ban kinh r =3va chiéu caoh=4. Thé tich khéi tru da
cho bang
A. 4r. B. 12rx. C. 36r. D. 24r.
(M4 103 2018) Thé tich ctia khdi tru tron xoay c6 ban kinh déy r va chiéu cao h bang
A. gﬂ'rzh B..zrh C. %m’zh D. 2zrh
Thé tich khéi tru ¢6 ban kinh ddy r =a va chiéu cao h= a2 bang
3
A. 47832 . B. 7a*\2. C. 27’ D. ”as‘/z .

Thiét dién qua tryc cia mot hinh tru 13 mot hinh vudng c6 canh bang 2a. Tinh theo a thé tich
khdi tru do.

A. rad. B. 2za’. C. 4zad. D. %72'8.3.

Cho hinh chit nhat ABCD c¢6 AB=2BC =2a. Tinh thé tich khdi tron xoay khi quay hinh phang
ABCD quanh tryc AD.
A. 4ra’. B. 2za’. C. 8ra’. D. za°.

Cho hinh try c6 dién tich toan phan 1a 47 va c6 thiét dién cit boi mat phang qua truc 14 hinh
vuong. Tinh thé tich khdi try?

A 7[«/6 B 7[«/6 A 47[«/6

. C. — D.
12 9 9 9

Cho hinh chit nhat ABCD c6 AB=a, AD =2a. Thé tich ctia khéi tru tao thanh khi quay hinh
chir nhat ABCD quanh canh AB bang
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Cau 39:

Céau 40:

Cau 41;:

A. 4rad. B. 7a®. C. 2at. D. a®.

Cho khdi tru c6 chu vi ddy bang 47a va do dai duong cao bang a. Thé tich cua khéi try da cho
bang
4 s

A. ra’. B. —za’.
3

C. 4za’. D. 16za°.

Cho hinh try c6 dién tich toan phan 13 47 va c6 thiét dién cit boi mit phang qua truc 13 hinh
vuéng. Tinh thé tich khéi tru?

A ﬁ\/g 47r\/€ c 72'\/6 A

. B. . . . D. —.
9 9 12 9

Mit phang di qua truc hinh try, cét hinh try theo thiét dién 13 hinh vudng canh a. Thé tich khdi
try d6 bang
3 3
A. 7a®, B. 22 c. ™2 p. 22
2 3 4

Cau 42: Thiét dién qua truc ciia mot hinh try 1a hinh vuong c6 canh la 2a .Thé tich khéi tru dugc tao nén
bdi hinh tru nay la:
3 3
A. 278’ B. %% C. 87a p, 872
3 3
Cau 43: (P& Tham Khao 2020 Lian 2) Cho mit cau ¢6-ban kinh R =2. Dién tich cia mit cau da cho
bang
A. 32% B. 8r. C. 16rx. D. 4r.
Cau 44: (M4 102 - 2020 Lan 2) Cho mat¢au c6 ban kinh r =5. Dién tich mit cau d3 cho bang
A. 257. B, 0% C. 1007 p, 1007
3 3
Cau 45: (Ma 103 - 2020 Lan 2) Cho mit cau c¢6 ban kinh r = 4. Dién tich ciia mit cau da cho bang
A. 167. B. 647 c. ¥ D, 267
3 3
Cau 46: Cho mat cau co dién tich bz‘ing 167a%. Khi d6, ban kinh mat cau béng
A. 242a B. J2a C.2a D. %
Cau 47: Dién tich mit cau ban kinh 2a 1a
2
A. 4zal. B. 167a’. C. 16a%. D. 4’; a
Cau 48: Dién tich cia mot mit cdu bang 167r(cm2) . Ban kinh ctia mat cau d6 1a.
A. 8cm. B. 2cm. C. 4cm. D. 6cm.
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Cau49: Tinh dién tich mét cau (S) khi biét chu vi dwong tron 16n ciia n6 bang 47

A. S=327 B. S=167 C. S=64r D. S=8x
Cau 50: Dién tich mit cdu co dudng kinh bang 2a la
A. 167a’. B. za’. C. 4’; a’ D. 4za’.
Cau51: (M4 101 - 2020 Lan 1) Cho khdi cau c6 ban kinh r = 4. Thé tich cua khéi cau d3 cho bang:
A. & B. 64r. C. 64—” D. 2567 .
3 3
Cau52: (M4 102 - 2020 Lan 1) Cho khbi cau c6 ban kinh r =4. Thé tich cta khéi ciu di cho bang
A. B4r. B. %7 C. 2567 . p. 257
3 3
Cau 53: (Ma 102 2018) Thé tich cua khdi cau ban kinh R bang
A. %ﬂRE' B. %ﬂR3 C. 4zR® D. 2zR?
Cau 54: Thé tich khdi cau ban kinh a bang :
A B. 27’ c. A& D. 47a’
3 3
Cau 55: Thé tich khdi cau c6 duong kinh 2a bang
A 47;a3. B. 47za’, C. %a3 D. 27a’.

Cau56: Cho mit cu (S) c6 dién tich 4za”(cm?). Khi d6, thé tich khéi cau (S) Ia

Ara’ a’ 64ra’ 167a’
Az (cm®). B. ”—(cm3). c. 2~ (cm?®). D. 2% (cm®).
3 3 3 3
Cau 57: Cho mit cau c6 dién tich bang 367a”. Thé tich khdi cau 1a
A. 187a’. B. 127a°. C. 367a’. D. 9za’.
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[

DANG TOAN 25: TOA PO PIEM — TOA PQ VECTO

J

KIEN THUC CAN NHO:

A

—

k=1(0:;0:1)

i= (1:0:02

. HEé truc toa dg Oxyz:

[ Truc Ox: truc hoanh, cé vecto don vi i = (1;0;0).
[ Truc Oy : truc tung, c6 vecto don vi j = (0;10).
) Truc Oz truc cao, c6 vecto don vi k = (0;0;1).

[ Biém O(0;0;0) la gbc toa dd.

[J Hé truc gdom ba truc Ox, Oy, Oz d6i mot vudng géc nhau.

. Toa do vecto: Vecto

u=xi+yj+zk o u=(xy;z).

Y,/ 7=1(0:1:0) - _ ]
a=(a;a,;a), b=(b;b,;b;). Taco:
atb=(a th;a,+h,; a,+h,) . I
- (1 a cung phuong b <<a=kb (keR)
ka = (ka,; ka,; ka,) "
a1:
o [a=n & e =kt e 2= =2 (b, b, by%0),
a=bh<o <':12=b2 aa—kb bl bz ba
- 3
a3:b3
ab=ab, +ahb, +ab, | |al= JaZ +a2 + a2 & =[a =a?+al+al
L a.b a,b, +ab
albesab=0<ab +ab, +ab,=0 - a0+ 20, +

cos(a, b) =—— =
allbl  fa? +aZ +aZ fof +bZ +b2

| Toa dd diém: M (x; y; z) & OM = (x; y;2)[..Cho A(X,;

Yai Za) » B(Xgi Yai Z5) s C(Xe;Veize), ta co:

A_B.Z(XB —Xpr Ye —Yar Zg _ZA)

AB = \/(XB _XA)2 +(yB - yA)2 +(ZB - ZA)2

Toa d6 trung diém M ciia doan thang AB:
Z,+1g
2

Toa d6 trong tdm G cua tam giac ABC:

G(XA+XB+XC.yA+yB+yc.
3 ) )

Z,+25+12,
3

M(XA+XB.yA+yB. j
QUY TAC CHIE

3 j
UDACBIET

2 2
Chiéu diém trén truc toa do

Chiéu diém trén mit phang toa do

DM M (X Y 2y ) s maaia > M (% 10:0) biem )
Dlém M (XM Yo ZM) (ZTé%éigvlﬁ?%noz)% M 2 (0, Yu ,O) NIfXM Yo Zu ) (gigga:@l:;j;ﬂc:(yy) > Ml(XM ' Yu ’O)
Dlém M (XM Ymo ZM) (%T;%éigvlﬁe%nozz) > M3(O' 0' Zy ) 13'1?:‘ . . Chiedu vago Oyz . .
M 1 yM ’ ZM ) (Gi6d nguyean y, z) 7 MZ(O, yM 1 ZM )
piém
M O Vi3 2w )G ngmean 77> Ma (X303 200)

P6i xtirng diém qua truc toa do

Poi xirng diém qua mat phang toa dé

Noai xung qua Ox

Noai xélng qua Oxy

M (XM : yM ;ZM) (Gi66 nguyean x; fiodi daau vy, z) > Ml(XM ;_yM i —Z )VI (XM ; yM ; ZM) (Gi6d nguyean x, y; fiodi daau z) > Ml(XM ; yM s
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M (XM : yM : Z|\/|) Noai x6ung qua Oy 5 Mg(_XM : yM ;_ZM M (XM : yM ;Z|\/|) Noai x6ung qua Oxz N MZ(XM =yl

(Giod nguyean y; fiodi daau x, z) (Gi6d nguyean x, z; fiodi daau y)

M (XM : yM : Z|\/|) Noai x6ung qua Oz 5 Mg(_XM ;_yM °7 M (XM : yM ;Z|\/|) Noai x6ung qua Oyz N Mg(_XM : yN .

(Giod nguyean z; fiodi daau x, y) (Gi66 nguyean y, z; fiodi dadu x)

4. Tich c6 hwéng cua hai vecto:

<@ Dinh nghia: Cho gl:(al, a,, &), b= (b, b,, b;), tich c6 hudéng cua avab la

[ab]= (zj Z: ; Z: Zli : ‘Zj Zj ]=(azb3—agb2:a3b1—a1b ab, —ah;).
& Tinh chit: [a,b] La [4 b] LB [a,5] =Ial. b.sin(4,b)
Diéu kién ciing phwong cita hai vecto a&b 12 | iéu kién ddng phing cia ba vecto a, b va ¢ 1a
[a,b]=0 véi 0=(0;0;0). [3, 5] =0.
Dién tich tam giac ABC:
Di¢n tich hinh binh hanh ABCD: S, .., =|[ AB, AD ||. ” :%’[ﬁ’ A—C]‘.
Thé tich khéi hp: Vyeco sicro = [[AB, AD].AA. | Thé tich t dién: V, ., = %‘[E,A—C].ﬁ‘ .

CAU 25_PTK2021 Trong khong gian Oxyz, cho hai diém A(1;1;2)va B(3;10). Trung diém ciia doan
thang AB ¢6 toa do 1a

A. (4,22). B. (2;,1,1). C.(20,-2). D. (30;-1).
Loi giai
Chon B
a=it3_ )
2
. N .2 , e 1+1
Goi | (a;b;c)la trung diém cia AB . Khi do: b:T::L = 1(211).
c=2t0 4
2

Caul: (M41012018) Trong khong gian Oxyz , cho hai diém A(2;-4;3) vaB(2;2;7). Trung diém cua
doan thang AB c6 toa do 1a
A. (4,-2,10) B. (13,2) C. (2,6;4) D. (2,-15)

Cau2: Trongkhong gian vé6i hé toa dd Oxyz, cho hai diém A(3;-2;3) va B(-12;5). Tim toa do trung

diém | cia doan thing AB .

A. 1(30;4). B. 1(2,0;8). C. 1(2-2;-1). D. 1(-2;2;1).

Cau3: Trong khong gian v6i hé toa do Oxyz , cho A(1;3;2), B(3;-1;4). Tim toa do trung diém | cua
AB.
A. 1(2-4;2). B. 1(4;2;6). C. 1(-2-1-3). D. 1(2,13).
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Cau 4: Trong khong gian cho hé truc toa dd Oxyz , cho ba diém A(L-2;3),B(-125),C(0;0;1). Tim
toa d¢ trong tam G cua tam giac ABC.
A. G(0;0;3). B. G(0;0;9). C. G(-10;3). D. G(0;0;1).

Cau5:  Trong khong gian véi hé toa dd Oxyz, cho tam gidc ABC voi A(13,4),B(2-10),C(3,12).
Toa d6 trong tam G cua tam giac ABC la

A G(212). B. G(6:36). c. e(s;%;sj. D. G(2-1.2).

Cau 6:  Trong khong gian v6i hé toa @ Oxyz cho hai diém A(-15;3) va M (2;,1;,-2). Toa do diém B
biét M 1a trung diém cua AB 1
A. 8(1;3;1} B. B(—4:;9;8).

2 2

C. B(53-7). D. B(5,-3,-7).

Cau7: (P& Tham Khio 2020 Lan 2) Trong khdng gian Oxyz., hinh chiéu vudng goc cua diém
M (2;1; —l) trén mat ph:fmg (OZX) co toa do la
A. (0;10). B. (2,10). C. (0;5-1). D. (2;,0;-1).

Cau 8: (M4 101 - 2020 Lan 2) Trong khong gian Oxyz./Diém nao sau day 13 hinh chiéu vudng goc cua
diém A(L;4;2) trén mat phang Oxy ?
A. (0;4;2). B. (1L4;0). C. 30;2). D. (0;0;2).

Cau9:  (Pé Tham Khao 2018) Trong khong'gian Oxyz, cho diém A(3;-11). Hinh chiéu vudng goc
cua diém A trén mét phang (Oyz) 14 diém
A. M (3;0;0) B. N(0;-11) C. P(0;-1,0) D. Q(0;0;1)

Cau 10: (M4 102 - 2020 Lén 1) Trong khong gian Oxyz , hinh chiéu vudng géc cia diém A(L2;5) trén
truc Ox c6 toa do la
A. (0;2;0). B. (0;0;5). C. (10;0). D. (0;2;5).

Cau 11: (M4 104 - 2019) Trong khdng gian Oxyz , hinh chiéu vuéng géc cua diem M (3;1;,—1) trén truc
Oy cotoado la
A. (3,0;-1). B. (0;10). C. (3;0;0). D. (0;0;-1).

Cau 12: (M4 102 - 2019) Trong khdng gian Oxyz , hinh chiéu vuéng goc ciia diém M (3;—11)trén truc
Oz cotoadod la
A. (3,-10). B. (0;0;1). C. (0;-1,0). D. (3;0;0).

Cau 13: Trong khéng gian Oxyz , toa d6 diém d6i xtng ciia M (ZL 2, 3) qua mit phang (Oyz) la
A. (0;23). B. (-1-2-3). C. (-123). D. (12-3).

Cau 14: Trong khong gian Oxyz , toa d¢ diém doi ximg cua M (1;2;3) qua mit phang (Oxy) la
A. (12;0). B. (-1-2,-3). C. (-12:3). D. (12-3).
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Cau 15: Trong khong gian Oxyz , toa d¢ diém ddi xtmg cua M (1;2;3) qua mét phang (Oxz) la

A. (30;3). B. (-1-2-3). C. (L-23). D. (12-3).

Cau 16: Trong khdng gian Oxyz , cho diém A(Z; -3, 5) . Tim toa d0 A’ 13 diém d6i xtmg v6i A qua truc
Oy.
A. N(2;35). B. A'(2-3-5). C. A(-2-35). D. A'(-2,-3,-5).

Cau 17: Trong khong gian Oxyz, cho diém A(2;-3;5). Tim toa do A’ la diém déi ximg véi A qua truc
Ox.
A. N(2;3-5). B. A'(2-3-5). C. A(-2;35). D. A'(-2,-3,-5).

Cau 18: Trong khong gian Oxyz, cho diém A(2;-3;5). Tim toa do A’ la diém déi ximg véi A qua truc
Oz.
A. N(2;35). B. A'(2-3-5). C. A(-2-35). D. A'(-2,-3,-5).

Cau19: (M4 102 2018) Trong khong gian Oxyz , cho hai diém A(L,L=2) va B(2;2;1). Vecto AB c6
toa do la
A. (-1-1-3) B. (3,1,1) C. (LL3) D. (33-1)

Cau 20: (Ma 110 2017) Trong khong gian vai hé toa do Oxyz , cho diém A(Z; 2;1). Tinh d6 dai doan
thang OA.
A. OA=+5 B. OA=5 C. OA=3 D. OA=9

Cau 21: Trong khong gian vdi hé toa do Oxyz, cho hai diém A(l; -3 1), B (3; 0; —2). Tinh d¢ dai AB.
A. 26. B(.22: C. J26. D. J22.

Cau 22: Trong khong gian Oxyz, cho hai diém A(L—2;-1), B(14;3). D¢ dai doan thing AB la
A. 2413 B. V6 C.3 D. 243

Cau 23: Trong khong gian vdi hé truc toa do Oxyz , cho ba vecto a(L 2 3) (2 2; 1) (4; 0; —4). Toa

do ctia vecto d =a—b+2¢ Ia

A. d(-7;0;,-4) B. d(-7,0,4) C. d(7,0,-4) D. d(7;0;4)
Cau 24: Trong khong gian Oxyz cho d=(2;3;2) va b =(1;1;-1). Vecto d—b ¢6 toa d¢ 1a
A. (3;4;1). B. (-1;-2;3). C. (3;5:1). D. (1;2;3).

Cau 25: Trong khong gian véi hé truc toa do Oxyz, cho d= (2,—3, 3) , (O; 2; —1) , C= (3; -1 5). Tim
toa do cia vecto U =23+30-2C.

A. (10,-2;13). B. (-2,2,-7). C. (-2,-27). D. (-22,7).

Céau 26: Trong khong gian vai hé truc toa do Oxyz , cho a = —i+2j-3k. Toa do cua vecto a la
A. (-12-3). B. (2-3,-1). C. (2-1-3). D. (-3;2;-1).
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Cau 27:

Céau 28:

Céu 29:

Céau 30:

Céu 31:

Céu 32:

Céau 33:

Céu 34:

Céau 35:

Céau 36:

Céau 37:

Céau 38:

Trong khong gian véi h¢ toa do Oxyz, cho a=(2;-3;3), b=(0;2;-1), c=(3;-1;5). Tim
toa do cua vecto u=2a+3b-2c.

A. (10;-2;13). B. (-2;2;-7). C.(-2;-2;7). D. (-2;2;7).

Trong khong gian v6i hé toa do Oxyz gia sir U = 2i +3 ] —k , khi d6 toa do véc to ula

A. (-231). B. (2;3,-1). C. (2-3-1). D. (2,31).

(M4 105 2017) Trong khong gian véi hé truc toa dd Oxyz, cho hai vecto a=(2;10) va
b=(-10;-2). Tinh cos(a,b).

A. cos(é,B)z—% B. cos(a,b):—é C. cos(é,B):% D. cos(a,b)=

(20N

Trén mit phang toa @ Oxy, cho tam giac ABC biét A(L3), B(-2-2), C(3;1). Tinh cosin

goc A cua tam giac.

2 1 2 1
A. COSA=— B. coOsA=— C.cosA=——— D. cosA=———
J17 J17 J17 J17
Trong khong gian Oxyz, cho a=(-3;4;0), b=(5;0;12). Césin clia gbc giita a va b bang
3 B. 2. Q2. D. -
13 6 6 13

Cho u=(-110), v=(0;-10), gic giira hai vécto u va v la

A. 120°. B. 45°. C. 135°. D. 60°.

Trong khong gian Oxyz cho 2 véc to a=(2;1;—-1); b=(L;3;m). Tim m dé (5;6):90".

A. m=-5. B..m=5. C. m=1. D. m=-2

Trong khong gian véi hé truc toa do Oxyz , cho u= (2;—1;1) Va V= (0;-3;—m). Tim s6 thyuc m

sao cho tich vo hudng uv=1.
A. m=4. B. m=2. C. m=3. D. m=-2.

Trong khong gian Oxyz cho A(1;2;3);B(-12;1);C(3;—1—2). Tinh tich vd hudng AB.AC .
A. 6. B. -14. C.14. D. 6.

Trong khong gian vdi hé truc Oxyz cho ba diém A(—l; 2 —3) , B (ZL' 0 2), C (X; Y; —2) thfmg hang.
Khi d6 X+Y bang

A x+y=1. B. x+y=17. C.x+y:—1—51. D.x+y:1—51.

Trong khong gian véi hé toa do Oxyz , cho ba diém A(Z; -1, 5), B(5; =5, 7), M (X; Y; 1) . Vi gia
tri ndo cia X,y thi A,B,M thing hang.

A x=4y=7 B. x=-4,y=-7 C. x=4y=-7 D. x=-4,y=7

Trong khong gian Oxyz , cho hai diém A(2;-2;1), B(0;1;2). Toad¢ diém M thudc mét phang
(Oxy) sao cho badiém A, B, M thing hang la
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A. M(4;-5;0). B. M(2;-3;0). C. M(0;0;1). D. M(4;5;0).

Cau 39: Trong khong gian v&i hé toa do Oxyz , cho cac diém A(l; 0; 3) , B(2;3;—4) , C (—3; 1 2). Tim toa
d6 diém D sao cho ABCD Ia hinh binh hanh.
A. D(-4;-2,9). B. D(—4;2;9). C. D(4-29). D. D(4;2,-9).

Cau 40: Trong khong gian Oxyz , cho ba diém A(1;0;0),B(1;1;0),C(0;1;1). Tim toa do diém D sao
cho tir giac ABCD (theo thir tw cdc dinh) 1a hinh binh hanh?
A. D(2;0;0). B. D(L;1;2). C. D(0;0;2). D. D(0;2;1).

Céu 41: Trong khong gian voi hé truc toa dd Oxyz, cho ba diém A(L;2;-1),B(2;-13) va C(-35/1).
Tim toa d6 diém D sao cho ttr giac ABCD Ia hinh binh hanh.
A. D(-2;8;-3) B. D(—4;8;-5) C. D(-2;2;5) D. D(-4;8;-3)

Cau 42: Trong khong gian voi hé toa dd Oxyz , cho 2 diém B(1;2;—3), C(7;4; —2) Néu diém E thoa

nim déng thie CE = 2EB thi toa do diém E la:

(13 el ofdl ofmy

Cau 43: Trong khong gian Oxyz, cho hai diem A(3;1;-2),"B(2;-3;5). Piém M thudc doan AB sao
cho MA=2MB, toa d6 diém M la

A. (%—2%} B. (4;5;-9)x C. (g;—S;%) D. (1,-7;12).

Cau 44: Trong khong gian véi hé truc toa d6.Oxyz , cho hai diém A(O;l; —2) va B(3; -1, 1) . Tim toa do

diém M sao cho AM =3AB.
A. M (9,-5,7). B. M(9;5;7). C. M(-9;5,-7). D. M(9;-5,-5).

Cau 45: Trong khdng gian véi hé truc toa 4o Oxyz , cho hai diém A(L2;-1), AB=(13;1) thi toa do cua

diém B la:
A. B(2;5;0). B. B(O;—ZL'—Z). C. B(O;l; 2). D. B(—2;—5;O)
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{ DANG TOAN 26: PHUONG TRiINH MAT CAU CO BAN J

KIEN THUC CAN NHO:

DANG 1. XAC PINH TAM VA BAN KINH
L Mt cau tam | (a;b;c) va co ban kinh R ¢é phurong trinh (S): (x—a)® +(y —b)? +(z—c)* =R%.
|| Phuong trinh X* +Yy* + 17> —2ax—2by—2cz+d =0 véi a’ +b*>+¢®>—d >0

la phwong trinh ciia mdt cau ¢é tam 1(a;b;c) va ban kinh R = \/a2 +b®+c*—d.
LI Dé mdt phwong trinh la mét phirong trinh mdt cdu, can théa man hai diéu kién:
Heé s6 trude X2, y?, 7% phdi bang nhau va a® +b?+c*—d > 0.

DANG 2. VIET PHUONG TRINH MAT CAU

[ Tam I(a;b;c

® Dang 1. Co ban (S): { " BK - R( ):>(S): (x—a)’ +(y—b)*+(z-c)* =R?|.
@ Dang 2. Viét phwong trinh mdt cau (S) cOtam | va di qua diém A.
Phuong phip: (3):1- 2™ ane 1)

on : . an
SRR JBK:R=1A "8
® Dang 3. Viét phwong trinh mdt cau (S) ¢é dwong kinh_ AB, véi A, B cho trude.
Ph hip: (S) S Tam | la trung diém.ciia AB.

wong phap: ;
[ BK:R =%AB

CAU 26_PTK2021 Trong khang gian Oxyz , mat cau (S): x> +(y—1)° +22 =9 ¢6 ban kinh bing
A 9. B. 3. C. 81. D. 6.

- Loi giai
Chon B
Bén kinh mat cau(S): x* +(y-1)"+22=9 la R=3.
Caul: (P& Tham Khio 2020 Lan 1) Trong khdng gian Oxyz, cho mit cau
(S):(x- ) (y+2) (2—3)2=16.Tﬁmcﬂa (S) cotoaddla
A. (-1;,-2;-3). B. (1;2;3). C. (-1;2;-3). D. (1,-2;3).
Cau2: (D& Tham Khiao 2020 Lan 2) Trong khdng gian Oxyz, cho mit cau
(S):(x— ) +(y+4) +(z—1)2:9.Tém cua (S) cd toa do 1a
A. (-24,-1). B. (2,-4;1). C. (241). D. (—2-4;-1).
Cau3: (M4 102 - 2020 Lan 1) Trong khong gian Oxyz , cho mat cau (S):x*+(y—2)" +2% =9, Ban

kinh cua (S) bang
A. 6. B. 18. C. 3. D. 9.
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Cau4: (M4 103 - 2020 Lan 1) Trong khdng gian Oxyz , cho mit cau (S): x*+y? +(z—1)*=16. Bén
kinh cua (S) la:
A. 32 B. 8 C.4 D. 16
Caub5: (Ma 101- 2020 Lan 2) Trong khdong gian Oxyz, cho mit cau
(S): (x+1)2 +(y—2)2 +(z +3)2 =4.Tam cia (S) co toa dd la

A. (-1 2,-3). B. (2, —4;6). C. (L -23). D. (-2; 4,-6).

Cau6: (Ma 102 - 2020 Lan 2) Trong khéng gian Oxyz, cho mat cau
(S):(x+1)* +(y+2)*+(z—3)*=9. Tam cuia (S) c6 toa do la:
A. (-2;-4;6). B. (2;4;-6). C. (-1-2;3). D. (1,2;-3).

Cau7: (Ma& 104 - 2019) Trong khong gian Oxyz, cho mat cau (S): x* +y* +2°—2y+2z-7=0. Ban
kinh ctia mat cau da cho bang
A \15. B. 7. C.9. D. 3.

Cau8: (Ma 102 - 2019) Trong khong gian Oxyz, cho mit cau (S) x>+ y* +2? —2x+2y—7=0. Ban
kinh ctia mat cau da cho bang
AT, B. 9. C,A/15. D. 3.

Cau9: Chomitcau (S):x*+y?+2z°—2x+4y+2z-3=0. Tinh ban kinh R ctia mit cau (S).
A. R=43. B. R=3. C. R=9. D. R=33.

Cau 10: (Pé Minh Hea 2020 Lan 1) Trong khéng gian Oxyz , cho mt cau (S) c6 tam 1(0;0;-3) va
di qua diém M (4;0;0). Phuong trinh cua (S) la
A. x2+y2+(z+3)2:25. B. x2+y2+(z+3)2:5.
C. x2+y2+(z—3)2=25. D. x2+y2+(z—3)2=5.

Cau11: (M4 110 2017) Trong khong gian hé toa dd Oxyz , tim tit ca cac gia tri cia m dé phwong trinh
X2 +y? +2?—2x—2y—4z+m=0 la phuong trinh ciia mot mat cau.
A. m<6 B. m>6 C. m<6 D. m>6

Cau 12: (P& Tham Khiao 2019) Trong khong gian Oxyz cho hai diém 1(111) va A(12;3). Phuong
trinh mat cau co tam I vadiqua A la
A. (x+1)2 +(y+1)2 +(z +1)2 =5 (x+1)2 +(y+1)2 +(z +1)2 =29

B.
C. (x=1)"+(y-1)°"+(z-1)°" =5 D. (x=1)" +(y-1)" +(z-1)" =25

Cau 13: Trong khong gian v6i hé toa do Oxyz , cho hai diém A(L-2;7),B(-3,8,-1). Mat cau dudng
kinh AB c6 phuong trinh 1a

A (x+1) +(y—-3) +(z-3)" =/45. B. (x—1)" +(y+3)"+(z+3)" =45
C. (x=1)"+(y-3)" +(z+3)" =45. D. (x+1)" +(y—3)" +(z-3) =45,
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Cau 14:

Céu 15:

Céu 16:

Cau 17:

Céu 18:

Céau 19:

Céau 20:

Céau 21:

Cau 22:

Trong khong gian véi hé toa do Oxyz, viét phuong trinh mit cau c6 tam |(1;—4;3) va di qua
diém A(5;-3;2).

A (x-1) +(y—4) +(z-3)" =18. B. (x—1)’ +(y—4)’ +(z2-3)° =16.

C. (x=1)" +(y+4)" +(z-3)" =16. D. (x=1) +(y+4) +(z-3)" =18.

Trong khéng gian Oxyz, cho hai diém A(1;1;1) va B(1;-1;3). Phuong trinh mit cau c6 duong
kinh AB Ia

A (x-1) +y*+(z-2)" =8. B. (x-1)" +y*+(z-2)" =2.
C. (x+1)" +y*+(z+2)" =2. D. (x+1)" +y*+(z+2)" =8.

Trong khong gian véi h¢ toa do Oxyz, hoi trong cac phuong trinh sau phuong trinh nao 1a phuong
trinh cua mat ciu?

A X +y*+2°-2x+4z-1=0 B. X’ +2*+3x—2y+4z-1=0

C. X*+y*+2°+2xy—4y+4z-1=0 D. X*+y?+2°-2x+2y-4z+8=0

Trong khéng gian véi hé toa do Oxyz phuong trinh nao sat day khong phai 1a phuong trinh cua
mot mat cau?

A X +y +2°+x-2y+4z-3=0. B2X* +2y* +27° —x-y-z=0.

C. 2x* +2y* +27° +4x+8y+62+3=0. Dy X* +y*+2°—2x+4y—4z+10=0.

Trong hé truc toa dd Oxyz , phuwong trinh.mit cau tim 1(2;1,—2) ban kinh R=2 la:
A (x=2)" +(y-1) +(z-2)" =22, B. X*+y*+7°—4x—-2y+4z+5=0.
C. X’ +y*+7° +4x-2y+42+5=0. D. (x=2)° +(y-1)" +(z+2)" =2.

Phuong trinh nao sau day 1a phuong trinh mat cau (S) tam A(2;1;0), di qua diém B(O;IL' 2)?
A (S): (x+2) +(y+1) +2°=8. B. (S): (x—2)"+(y-1)"+2* =8,
C. (S):(x=2)" +(y-1)" +2* =64. D. (S): (x+2)° +(y+1)" +2° =64.

Trong hé truc toa dd Oxyz , phuong trinh mét cau (S) tam 1(2;1,—2) va tiép xtc véi mét phang
(P):2x+2y-z-2=0 la:
A (x=2)" +(y-1) +(z+2)° =2. 2)" +(y-1) +(z+2)

B. (x— ‘=4,
C. (x+2)2 +(y+1)2+(z—2)2 =2. D. (x+2)2+(y+1) +(z—2)2 =4,
Trong khong gian véi hé toa dd Oxyz , viét phuong trinh mit cau c6 tam 1 (1;—4;3) va tiép xtc
v6i mat phang (P):2x—2y—-z+5=0 Ia:

A. (x+1)2+(y—4)2+(z+3)2 =4, B. (x+1)2+(y—4)2+(z+3)

2

=16.

2

C. (x=1)"+(y+4) +(z-3)" =4. D. (x=1)"+(y+4)" +(z-3)" =16.

Trong khong gian Oxyz , c6 tit ca bao nhiéu gia nguyén ciia m dé
X’ +y*+22+2(m+2)x-2(m-1)z+3m*—5=0 la phuong trinh mot mt cau?
A. 4 B. 6 C.5 D.7
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Trong khong gian voi hé truc toa 40 Oxyz, tim tit ca cac gia tri cia m dé phuong trinh
X°+y?+2°—2(m+2)x+4my +19m—6=0 la phuong trinh mit cau.

A. . l<m<?2. B. m<lhoic m>2. C. 2<m<1. D. m<-2 hoac m>1.
Trong khong gian v6i hé truc toa do Oxyz , cho ba diém A(l; 2 —4), B (l; -3; 1) , C (2; 2: 3) . Tinh
dudng kinh | ciia mit cau (S) di qua ba diém trén va c6 tim ndm trén mat phing (Oxy).

A 1=213. B. | =241. C.1=226. D. | =211.

Céau 25: Trong khong gian vdi hé toa do Oxyz , cho A(—l; 0; 0), B(O; 0;2), C(O; -3; 0). Ban kinh mat
ciu ngoai tiép tir dién OABC la
A.g. B.g. c.g. D. \14.
Cau 26: Goi (S) 1a mit cau di qua 4 diem A(2;0;0),B(13;0),C(-10;3),D(12;3). Tinh ban kinh R
cua (S).
A. R=22. B. R=3. C. R=6. D. R=+6.
Loi giai
Cau 27: Trong khong gian véi hé toa do Oxyz, cho ba diém_A(1;2;-4), B(1;-3;1), C(2;2;3). Tinh
ban kinh R cua mat cau (S) di qua ba diém trén va c6 tdm nam trén mat phang (Oxy).
A. R=4/41. B. R=4/15. C. R=413. D. R=+/26.
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DANG TOAN 27: PHUONG TRINH MAT PHANG CO BAN - PIEM THUQC HOAC KHONG
THUQC MAT PHANG - VTPT CUA MAT PHANG

KIEN THUC CAN NHO:

DANG 1. XAC PINH VEC TO PHAP TUYEN
|| Vécto phép tuyén i cia mdt phang (P) la vécto c6 gid vuéng géc voi (P). Néu 11 la mét vécto phap
tuyén cua (P) thi KA ciing la mét vécto phap tuyén cia (P).

LI Néu mdt phang (P) c6 cdp vécto chi phwong la Gy, G, thi (P)

c6 vécto phap tuyén la i =[0,,,]. — =
Uy ~b_

|| Mdt phang (P):ax+by+cz+d =0 cé mét vécto phdp tuyén la fi = (a;b;c).

DANG 2. XAC PINH PHUONG TRINH MAT PHANG

, ua M(X,;V,:2
[1 Mat phang (P) a E oi Yoi Zo)
VTPT n=(a;b;c)
*)

Nguoc lai, mot mit phang bat ky déu ¢ phuong trinh dang ax+by + ¢z +d =0, mit phang nay

thi phuong trinh (P):{a(x=Xx,) +b(y—,) +c(z—2,) =0

c6 VTPT n=(a;b;c) véi a®+b>+c2>0.
[J Céc mat phang co ban

mp(OyZ) X= 0 o (Oyz) (1 O O)

VTPT

mp(Oxz) 1y = 0—>”(0xz) (0;1;0)

mp(Oxy):z = L>n(OXy) (0;0;1)

Viét phwong trinh mit phang (P) qua M va vudng géc véi voi duwong thing AB cho trudée.

Me

—— -

Mit phang (P) qua M, ¢6 VTPT n nén phuong trinh duge viét theo (*).

Qua A(X,; Y.; zo)
[ VTPT A, =(a;b;c)

Dang 2. Viét phwong trinh (P) qua A(x;y.;z.) va (P)J(Q):ax+by+cz+d =0.

= (P):la(x—x)+b(y—vy.,)+c(z—-z)=0|

Dang 1. Mat (P) :{

[ Qua A(X,,Y.,2,) iipy =T
O VTPT :fip) =M, =(a;b;c) £7

Phuong phap. (P): {
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Dang 3. Viét phwong trinh mit phing trung truc (P) ciia doan thing AB.

XA+XB'yA+yB'ZA+ZBj :1a trung diém AB. A

oun ,
Phuong phép. (P): 2 2 2
OVTPT :fi,, = AB

Dang 4. Viét phwong trinh mit phiang (P) qua M va vuéng géc véi dwong thing d = AB.

h i QuaM(Xo;yo;Zo) ﬁ(ﬁ) ZEJZE d
Phuong phap. (P): S
(P) 0 VTPT :n,) =0, = AB

Dang 5. Viét phwong trinh mdt phang (P) qua diém M va ¢é cdp vécto chi phwong a, b.
neomephip. #:1 M (X;¥.2.) ——
Phuwong phap. : ~
VIPT (2,51 e

Dang 6. Viét phwong trinh mdt phang (P) di qua ba diém A, B, C khéng thing hang.

] Qua A, (hay B hay C) B P
Phuwong phdp. (P):{D VTPT i1 ¢, =[ AB, AC] A — .
Dang 7. Viét phwong trinh mat phang (P) di qua A, B va(P).L (Q).
] Qua A, (hay B) oy
7 VTPT :fi, =| AB,fi

! (Q)} /g A B

Dang 8. Viét phwong trinh mp (P) qua .M. va vuéng géc véi hai mdt (), ().

Phuong phap. (P): {

0 Qua M(x,;y.;2.) )
Phuwong phap. (P): - \ Y gy Ty
0 VTPT : ey ={ iy i | R
S

Dang 9. Viét (P) di qua M va giao tuyén d ciia hai mét phing:
(Q):ax+by+cz+d =0 va (T):a,x+b,y+c,z+d, =0.

Phurong phép: Khi dé moi mdt phang chira d déu cé dang:
(P):m(ax+by+cz+d,)+n(ax+b,y+c,z+d,)=0, m*+n® 0.

Vi M e (P) = méi lién hé giita m va n. Tir d6 chon m=>n sé tim dwoc (P).

Dang 10. Viét phwong trinh mdt phing doan chin

Phwong phap: Neu mat phang (P) cat ba truc toa do lan luot tai cac diem A(a;0;0),
B(0:b;0), C(0;0;c) véi (abc = 0) thi (P): 2 +%+§ =1 goi ld mdt phing doan chén.

Dang 11. Viét phuong trinh mp(P) di qua M, vudng géc mp(Q) va mp(P) // A:

- biquaM(x,,Y,,2,) Q
PP . _
—>mp(P) . VTPT—._ _ ”(g)
ey = [”(o)'”A] =
A u,
et
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Dang 12. Viét phuong trinh ciia mit phang (P) di qua diém M va chtra duong thang A

PP 5 Trén dwong thing 4 ldy diém A va xdic dinh VTCP u,

H A M _ P
- DiquaM A 4, A
Khi dé mp(P): — ——

« VTPT 0, = AM,u, |

Dang 13. Viét phuong trinh ciia mit phang (P) di qua hai duong thing song song A,, A,
« PiquaMeA, (hay M eA,)
—= > mp(P): .
« VTPT 0, =[u, U, |

Dang 14. Viét phuong trinh ctia mit phing (P) di qua hai duong thang cat nhau A, A,
« bDiquaMeA, (hay M e A Uy, o= P
—® >mp(P): i . 1—(—y 2 My
* VTIPT:n, =|u,u, |

Dang 15. Cho 2 dudng thang chéo nhau A,, A,. Hiy viét phufO'ng trinh P chia A, va song

—)Ha

biqua M eAl, hay M

E
song A, — > smp(P w
g A, p( ){ VTPT : n( / A A1>/

Dang 16. Viét phuong trinh mat phang (P) di qua diém M va giao tuyén cua hai mit phang

(@), ()

—F 5 Chen A, B thugc giao tuyén hai mat phing () va () = A Be(P). Cu thé:

Cho: z:zoz{AiXJr v (G2, D) :{X_ = A(iin)e(P)
Ax+B,y=—(G,z,+D,) (V=
B,y+Cz=~(Ax,+D =

Cho: x=x, = +Cz=(Ax +D) :{y = B(.jersen) €(P)
B,y+C,z=—(Ax,+D,) [z=

« biquaM
Khi @6 mp(P):{ VIPT :y, =[ AB, AM |
. p >

DANG 3. PIEM THUQC MAT PHANG
Mot mét phang bat ky déu c6 phuong trinh dang (P):ax+by+cz+d =0, va diém
M (X5 Y Zu )
Néu ax,, +by, +cz, +d=0=>M &(P)
Néu ax,, +by, +cz, +d 20=>M ¢(P)

DANG 4. KHOANG CACH TU PIEM PEN MAT
|| Khodng cach tir diém M (Xy; Yy :Zy) dén mdt phang (P):ax+by+cz+d =0 duwoc xdc dinh boi

|ax,, +by,, +cz,, +d|

Ja? +b? + ¢

cong thire: |d(M;(P)) =
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CAU 27_PTK2021 Trong khong gian Oxyz , mit phang nao dudi day di qua diém M (1 -2;1)?

A. (R):x+y+z=0. B.(R):x+y+z-1=0.
C.(R):x—2y+z=0. D.(PR,):x+2y+z-1=0.
Loi gidi
Chon A
Thay toa d6 diém M (].;—2;1) vao phuong trinh (Pl):x+ y+2 =0 thiy thoa méan do
1-2+1=0nén M thudc (R).

Caul: (MA& 105 2017) Trong khong gian véi hé toa dd Oxyz , cho mit phing (a):X+ y+z-6=0.
Diém nao dusi day khong thudc («)?
A. Q(3;3,0) B. N(2;2;2) C. P(1,2;3) D. M(%-11)
Cau?2: (Ma& 123 2017) Trong khong gian voi hé toa dd Oxyz , cho mit phang (P): X—2y+z-5=0.
Diém nao duéi dy thudc (P)?
A. P(O; O;—5) B. M (ZL‘].; 6) C. Q(2;—ZL‘5) D. N (—5; 0; O)
Cau3: Trong khong gian Oxyz , diém nao duéi ddy nim trén mét phang (P):2x—y+z-2=0.
A Q(L-22). B. P(2-L-1). C.M (L1-1). D. N(L-L-1).
Cau4: Trong khong gian Oxyz , mit phing (R): % + % +§ =1 khong di qua diém nao dudi day?
A. P(0;2;0). B. N(1;2;3): C. M(1;0;0). D. Q(0;0;3).
Cau5: Trong khdng gian Oxyz , mat phang nao dudi day di qua gbc toa do?
A. x+20=0. B. x=2019=0. C. y+5=0. D. 2x+5y-8z=0.
Cau6: (P& Minh Hoa 2020 Lan 1) Trong khong gian Oxyz, cho mit phing (&):3x+2y—4z+1=0.
Vecto nao dudi day 1a mot vecto phap tuyén cua (a) ?
A n,=(3;2;4). B.n,=(2;-4;1). C.n=(3;-41). D.n,=(3;2;-4).
Cau7: (P& Tham Khio 2020 Lan 2) Trong khong gian Oxyz , cho mit phang (P):2x+3y+z+2=0
. Vécto nao dusi day la mot vécto phép tuyén cia (P)?
A. 1;,(2;32). B. 11,(23;0). C.1,(231). D. fi,(2;,0;3).
Cau8:  (Ma 1012020 Lan 2) Trong khong gian Oxyz , cho mit phang (a):2x+4y—z+3=0. Vécto
ndo sau day la véc to phap tuyén cua (a)?
A n =(2,4;-1). B.n,=(2-41).  C.n=(-241). D. n, =(241).
Cau9:  (M4102 - 2020 Lan 2) Trong khdng gian Oxyz , cho mit phing («r):2x—3y+4z-1=0. Vecto
ndo dudi ddy 1a mot vecto phép tuyén ciia () ?
A n=(2-34). B.n=(23-4). C.n=(234). D. n,=(-2;3; 4).
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Cau 10:

Cau 11;

Céu 12:

Cau 13:

Cau 14:

Céu 15:

Céau 16:

Cau 17:

Céau 18:

Cau 19:

Céau 20:

Trong khdng gianOxyz , cho mt phang(P):3x—z+2=0. Vecto nao dudi day la mot vecto
phap tuyén cua(P)?

A. n, =(-10;-1) B. n =(3-12) C. n, =(3-10) D. n, =(3,0;-1)

(Ma 104 2017) Trong khong gian véi hé toa d6 Oxyz , phuong trinh nao dudi day la phuong
trinh mat phang di qua diém M (1; 2 —3) va c6 mot vecto phap tuyén n= (1; -2, 3) .

A. x-2y+3z+12=0 B. x-2y-3z-6=0 C. x-2y+3z-12=0 D. x-2y-3z+6=0
(®¢& Minh Hoa 2017) Trong khong gian véi hé toa dd Oxyz, cho hai diém A(O;l;l) ) va
B(12;3). Viét phuong trinh ctia mat phing (P)di qua A va vudng goc véi duong thing AB .
A x+y+2z-3=0 B. x+y+2z-6=0 C. x+3y+4z-7=0 D. x+3y+4z-26=0
(M3 104 2018) Trong khong gian Oxyz, Cho hai diem A(5,—4;2) va B(12;4). Mit phang di
qua A va vudng goc véi duong thang AB c6 phuong trinh 1a

A. 2x-3y—z-20=0 B.3x-y+3z-25=0 C. 2x-3y—-z+8=0 D. 3x-y+3z-13=0
(P& Tham Khio 2018) Trong khong gian Oxyz, cho hai diem A(-121) va B(2,10). Mit
phang qua A va vudng goc voi AB c¢6 phuong trinh 1a

A. x+3y+z2-5=0 B. x+3y+z-6=0 ,C[3x-y-z-6=0 D.3x-y-z+6=0
(Ma 103 2018) Trong khong gian Oxyz;'cho ba diem A(-111), B(210)C(L-12). Mat
phang di qua A va vudng goc v6i dudngthang BC co phuong trinh 1a

A. 3x+2z+1=0 B. x+2y—-2z41=0 C. x+2y-2z-1=0 D. 3x+2z-1=0
Trong khdng gian Oxyz , cho 2 diém A(5;—4;2) va B(1;2;4). Mat phang di qua A va vubng
goc voi duong thang AB 13?2

A. 3x—-y+3z-25=0 B. 2x-3y-z+8=0 C.3x-y+3z-13=0 D. 2x—-3y-z-20=0
Trong khdng gian Oxyz , mit phang (P) di qua diém M (3; -1 4) dong thoi vudng goc vai gia
ctia vecto @ =(1-12) co phuong trinh 1a

A. 3x—y+4z-12=0. B. 3x-y+4z+12=0.C. x—-y+2z-12=0. D. x—-y+2z+12=0.
Trong khong gian v6i hé truc toa dd Oxyz, phuong trinh mit phang di qua diém A(l; 2;—3) co

véc to phap tuyén n=(2;-1;3) la
A. 2x-y+3z+9=0. B. 2x—-y+3z-4=0.
C. x-2y—-4=0. D. 2x—-y+3z+4=0.

Trong khong gian Oxyz , mit phang (P) di quadiém M (3;-1;4)ddng thoi vudng goe v6i dudng
Xx-3 y+1 z-2
-1
A.3x-y+4z-12=0. B. 3x—-y+4z+12=0.C. x—-y+2z-12=0. D. x—-y+2z+12=0.

thang d :

c6 phuong trinh 1a

Trong khong gian véi hé truc toa dd Oxyz, phuong trinh mit phang di qua diém A(l; 2;— 3) dong

Xx-3 y+1 z-2
-1

thoi vudng goc v6i dudng thiang d : c6 phuong trinh la

Gido vién: Huynh Vin A'n?h — 42 Nguyén Cw Trinh — T hugin'Ho‘a — TP Hué — PT: 0984164935 Page 108
Chuyén luyén thi: Tuyén sinh vao lop 10 TP. Hué — Tot Nghiép THPT — BDKT Toan 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2020 —- PHAT TRIEN PE THAM KHAO 2021

A. 2x-y+3z+9=0. B. 2x-y+3z-4=0.
C. x-2y—-4=0. D. 2x—-y+3z+4=0.

Cau21: (Ma 102 - 2020 Lén 2) Trong khong gian Oxyz, cho diém M(2;1,—2) va mit phang
(P):3x—2y+2z+1=0. Phuong trinh ctia mit phing di qua M va song song véi (P) la:
A. 2Xx+y—-2x+9=0. B. 2x+y-2z2-9=0
C.3-2y+z+2=0. D. 3x-2y+z-2=0.

Cau22: (Ma 103 - 2020 Léan 2) Trong khong gian Oxyz, cho diém M(2;-13) va mit phang
(P):3x—2y+2z+1=0. Phuong trinh mit phang di qua M va song song véi (P) la
A. 3x-2y+z+11=0. B. 2x—y+3z-14=0.
C. 3x-2y+z-11=0. D. 2x—-y+3z+14=0.

Cau 23: (M4 105 2017) Trong khong gian véi h¢ toa dd Oxyz, cho diém M (3;—-1—2) va mit phiang
(o) :3x—y+2z+4=0. Phuong trinh nao dudi day 1a phuong trinh mit phang di qua M va

song song véi (ar)?
A. 3x-y+2z-6=0 B. 3x=y+2z+6=0
C.3x-y—-2z+6=0 D. 3x+y+2z-14=0

Cau 24: (M4 101 2018) Trong khong gian Oxyz , mit phang di qua diém A(2;-1,2) va song song véi
mit phang (P):2x—y+3z+2=0 c6 phuong trinh 13
A. 2x-y+3z+11=0 B. 2x-y-3z+11=0
C. 2x-y+3z-11=0 D. 2x+y+3z-9=0

Cau25: (Ma 101 - 2020 Lan 1) Trong khong gian Oxyz, cho ba diém A(3;0;0), B(0;10) va
C (O; 0; —2) . Mit phang (ABC) c6 phuong trinh la:

A. 5+l+£=1. B.§+X+i=1. C.§+X+E=1. D.1+X E:1.
3 -1 2 3 1 -2 3 1 2 -3 1 2

Cau26: (Ma 102 - 2020 Lan 1) Trong khong gian Oxyz, cho ba diém A(-2;0;0), B(0;3;0) va
C(0;0;4). Mit phang (ABC) c¢6 phuong trinh 13

A. L+X+E=1. B. 5+X+£=1. C. 5Jrl4r5=1. D. 5+X+i=1.
-2 3 4 2 3 4 2 -3 4 2 3 4
Cau 27: (P& Minh Hoa 2017) Trong khong gian véi hé toa &6 Oxyz , cho mit phang cho mit phang (P)
c6 phuong trinh 3x+4y +2z+4=0 va diém A(1—2;3). Tinh khodng cich d tir A dén (P)

5 5 J5 5

B.d=— C.d=— D.d=—

" 29 J29 3 9

Cau 28: Trong khong gian véi hé toa dd Oxyz , cho mét phang (P) c¢6 phuong trinh: 3x+4y+2z+4=0
va diém A(L—2;3). Tinh khoang cach d tir A dén (P).

A. d

A.d=§. B.d=£. C.d=i. D,d:ﬁ.
9 29 \J29 3
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Cau 29:

Céau 30:

Céu 31:

Céau 32:

Céau 33:

Cau 34:

Céau 35;

Céau 36:

Céau 37:

Céau 38:

Trong khéng gian Oxyz, tinh khoing cich tr M(L2-3) dén mat phang
(P):x+2y+2z-10=0.
11

A —. B. 3. C.Z. D.
3 3

(Ma 104 - 2019) Trong khong gian Oxyz, cho hai diém A(4;0;1) va B(-2;2;3).Mit phang

trung tryc ctia doan thing AB c6 phuong trinh 13
A. 3x—-y-z=0. B.3x+y+z-6=0. C. x+y+2z-6=0. D.6x-2y-2z-1=0.

IES

(Ma 102 - 2019) Trong khong gian Oxyz, cho hai diém A(-1;2;0) va B(3;0;2). Mit phang

trung truc ctia doan thing AB c6 phuong trinh 12
A. x+y+z2-3=0. B. 2x-y+z+2=0. C.2x+y+z-4=0. D.2x-y+z-2=0.

Trong khong gian hé toa do Oxyz, cho A(1;2;—1); B(—l;O;l) va mat phéng
(P):X+2y—z+1:O. Viét phuong trinh mit phang (Q) qua A,B va vuodng goc voi (P)
A. (Q):2x-y+3=0 B. (Q):x+z=0 C.(Q)—x+y+z=0 D. (Q)3x—y+z=0

Trong khéng gian Oxyz, cho hai diém A(2;4;1);B(-1;1;3) va mat phang
(P):x—3y+2z—5=0. Lap phuong trinh mat phing (Q) di qua hai diém A,B vavudng goc
v6i mit phang (P)

A. 2y+3z-11=0. B. 2x-3y-11=0.. /€. x-3y+2z-5=0. D. 3y+2z-11=0.
Cho hai mit phang (a) 13X—2y+22+7=0, (,B) :5X—4y+3z+1=0. Phuong trinh mit phang
di qua gbc toa @ O ddng thoi vudng goe. véi cé(a) va ( p ) la:

A. 2x—y-2z2=0. B. 2x-y+2z=0.

C. 2x+y-2z=0. D. 2x+y—-2z+1=0.

Trong khong gian Oxyz, cho hai mit phang (P):x—3y+2z-1=0, (Q):x-z+2=0. Mat
phang (oc) vuong goc véi ca (P) va (Q) dong thoi cit truc O tai diém c6 hoanh d6 bang 3.
Phuong trinh cua mp (&) 12

A x+y+z-3=0 B. x+y+z+3=0 C. 2x+z+6=0 D. 2x+z-6=0
Trong khong gian v6i hé truc toa o Oxyz, cho mit phang (P):ax+by+cz—9=0 chira hai
diém A(3; 2;1), B(—3;5;2) va vudng goc voi mat phéng (Q):3X+ y+Z+4=0. Tinh téng

S=a+b+c.
A. S=-12. B.S=2. C.S=4. D. S=-2.

Trong khéng gian Oxyz, cho mit phang («) di qua diém M (1;2;3) va cét c4c truc Ox, Oy,
Oz lanluottai A, B, C (khac gbc toadd O)saocho M 1 tryc tim tam giac ABC . Mt phang
(a) ¢6 phuong trinh dang ax+by+cz-14=0. Tinh tong T =a+b+c.

A. 8. B. 14. C.T=6. D. 11.

Cho diém M (1;2;5). Mit phing (P) di qua diém M ct céc truc toa do Ox,0y,0z tai A, B,
C saocho M 1 tryc tim tam gidc ABC . Phuong trinh mit phang (P) la

A x+y+z-8=0. B.x+2y+52-30=0.C. 2+¥+Z-0. D 2:¥, 2.
5 2 1 5 2 1
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Trong khong gian v&i hé toa d6 Oxyz, cho duong thing A X—Zl = y%Z = % va mit phang
(P):x—y+2z-3=0. Phuong trinh mit phiang (a) di qua O, song song v6i A va vudng goc

v6i mit phang (P) la

A. x+2y+z=0. B. x-2y+z=0. C. x+2y+z-4=0. D. x-2y+z+4=0.
Cau 40: Trong khong gian toa d6 Oxyz, cho diém A(O;l; O), mit phing (Q) 'X+Yy—-4z2—-6=0 vaduong
X=3
thing d :{y=3+t. Phuong trinh mit phang (P) qua A, song song v6i d va vudng géc véi
z=5-t
Q) la:
A.3x+y+z-1=0. B.3x-y-z+1=0. C.x+3y+z-3=0. D.x+y+z-1=0.
Cau41: Trong khong gian Oxyz, cho hai dwong thing chéo nhau dl:X_Z: y—26: 212
d,: X14 = y;:l _Z +22 . Phuong trinh mit phang (P) chta-d, va (P)song song voi duong
thang d, la
A. (P):x+5y+8z-16=0. B. (P):x+5y+8z+16=0.
C. (P):x+4y+62-12=0. D.(P):2x+y-6=0.
A . N . N 2 S e s 2 x-1 y+2 z-1 _ .,
Cau 42: Trong khong gian toa dd Oxyz , cho diem A(IL 0; O) va duong thangd : =" . Viét
phuong trinh mit phing chira diém A va'duong thang d ?
A. (P):5x+2y+4z-5=0. B. (P):2x+1y+2z-1=0.
C. (P):5x—2y-4z-5=0. D. (P):2x+1y+2z-2=0.
Cau 43: Trong khoéng gian Oxyz, cho hai duong thang d,,d, lan luot c6 phuong trinh
d,: x=2 = y=2 = Z_3,d2 : x—1_ y+2 = Z+1. Viét phuong trinh miat phiang cach déu hai
2 1 3 2 -1 4
dudng thang d,,d,.
A. 14x+4y+8z+13=0. B. 14x-4y—-8z-17=0.
C.14x-4y-8z-13=0. D. 14x—-4y+8z-17=0.
A i A . 1A o . . 2 X=2 vy z .
Cau 44: Trong khong gian véi hé toa do Oxyz, cho hai duong thang d; .—l:I:I va
X y-1 z-2 . . B < . A C e 2
d, =T e Phuong trinh mdt phang (P) song song va cach déu hai duong thang
d;;d, la:
A. 2y—-2z+1=0. B. 2y-2z-1=0. C. 2x—2z+1=0. D. 2x—-2z-1=0.
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DANG TOAN 28: PHUONG TRINH PUONG THANG CO BAN - PIEM THUQC HOAC
KHONG THUQC PUONG THANG - VTCP CUA PUONG THANG

KIEN THUC CAN NHO:
DANG 1. XAC PINH VTCP
e Vécto chi phwong i cua dwong thang d la vécto c¢é gia song song hodc tring véi dwong thang d.
Néu d c6 mét vécto chi phwong la i thi ki ciing la mét vécto chi phirong cia d.
« Néu ¢6 hai vécto i, va n, cung vuong goc voi d thi d cé mot vécto chi phwong la u =[n,,n, ).
« Dé viét phwong trinh dwong thang d, ta can tim diém di qua va mét vécto chi phwong.

Qua M(x,;,;z,)

thi ta ¢6 hai dang phwong trinh duong thing:
VICP :u, = (a,;a,;a,) wep g g &

Néu duwong thang d :{

K d
xX=x +at J
Phuong trinh dwong thang d dang tham sé y=y, +a,t|, (teR).
z=z, +a
Phuong trinh dwong thang d dang chinh tic XX Y A , (@a,a, #0).
! 4 a4

DANG 2. VIET PHUONG TRINH PUONG THANG
Dang 1. Viét phwong trinh dwong thing d dang tham sé va dang chinh tic (néu cd), biét d di
qua diém M(x;y.;z.) va cé vécto chi phirong u, =(a;a,;a,).
© Qua M(x.;y.32.)

Phwong phap. Ta co: d
{- VICP i, =(a;a,;a;)

xX=Xx +at
Phirong trinh dwong thang d dang tham sé |d :{y =y + at|, (t e R).

z=1z +a,t

X=X, Y-y, _z-Z

Phurong trinh dwong thang d dang chinh tic |d : >, (a,a,a, #0).

a, a, a,

Dang 2. Viét phwong trinh tham sé va chinh tic (néu cé) ciia dwong thang d di qua A va B.
+ Qua A (hay B) B d

Phirong phdp. Pwong thang d : __ (dang 1)
s { vrcp.i, =48 ¢ //A/’/

Dang 3. Viét phwong trinh dwong thing d dang tham sé va chinh tic (néu cd), biét d di qua
diém M va song song véi dwong thing A.

—>, A

* QuaM(x,;y.,;z,)
Phwong phap. Ta cé d : . . (dangl1) M d
« VICP:u, =u,
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Dang 4. Viét phwong trinh dwong thing d dang tham sé va chinh tic (néu cé), biét d @i qua
diém M va vuéng géc véi mét phing (P):ax+by+cz+d =0.
e Qua M

Ph hap. Ta cé d - dang 1
LULong prap. fa co { VTCP:ﬁd:fz(P)z(a;b;C)(gng)

5. Dang 5. Viét phwong trinh tham sé va chinh tic ciia dwong thang d la giao tuyén ciia hai
mdt phang (P) va (Q) cho trudc.
Phuong phdp. Ta ¢6 d - { Qua A=(P)NQ) e 1) IA
« VICP:u, =[Rpy,np]

6. Dang 6. Viét phwong trinh tham sé va chinh tic (néu cd) ciia dwong thang d di qua diem M
va vuong géc véi hai dwong thang d,, d, cho truoc. . —
u, Uy,

e Qua M T ! /

Phwong phap. Ta co d - - . _ . (dangl
+HEORE PCp {- VICP:u, =[u, ,u, ] 1) ‘d1 dz/ d

7. Dang 7. Viét phwong trinh dwong thing d qua M va song song véi hai mdt phang (P), (Q).
e Qua M

Ph g phdp. Ta co d: d 1
won a aco {. VTCP:ﬁd=[ﬁ,,,ﬁQ](¢ng )

8. Dang 8. Viét phwong trinh dwong thing d qua M, vuéng géc dwong d' va song song miit

(P).
Ph hip. Taco a1 24 M (dang 1)
uon ap. 1a co . an
Lhuong phap e VICP:ii, =(ityi,] 8

9. Dang 9. Viét phwong trinh dwong thing d nam trong mdt (P), song song mat (0) va qua
M.

r Qua  (dang 1)

Phuong phap. Ta co d -
{- VTCP :u, =[71P,nQ]

10. Dang 10. Viét phwong trinh dwong thing d di qua diém A, vuéng géc va cit dwong thing

d'.

Viét phwong trinh mat phang (P) qua A, vuéng goc d'.

Nehia I mait phéng (P): 1" €444 /g—z——%—y
ata ma an . . '
£ AP YN yrer A, =4, |

Tim B=d' N\ (P). Suy ra dwong thang d qua A va B (dang 1)
Luu y: Truong hop d' la cdc truc toa do thi d = AB, voi B la hinh chiéu ciia A 1én truc.

11. Dang 11. Viét phwong trinh tham sé va chinh tic (néu cé) ciia dwong thing d di qua diém
M va cit dwong thang d, va vuong goc d, cho trudc.

Phuwong phdp. Gia sw d nd, =H, (Hed,, Hed) d d,
1
= H(x,+at; x,+a,t; x,+a,t) ed,.
‘ S i H/ M
Vi MH Ld,= MHu, =0=t= H. r
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, e Qua M
Suy ra dwong thang d : {. VICP i, = MH (dang 1)
Dang 12. d di qua diém M (x,;y,;2,) va cat hai duong thang d,, d,:
e Cich I: Goi M, ed,, M, ed, Tirdiéu kién M, M,, M, thang hang ta tim dugc M,, M, . Tir d6
suy ra phuong trinh dudng thang d .
e Cich 2: Goi (P)=(M,.d,), (Q)=(M,.d,) .Khido d = (P) N (Q),do do, mot VTCP cua d c6
the chon 1 d@ =[7i,, i, |.
Dang 13. d nim trong mit phang (P) va cit ca hai duong thang d,, d,:
Tim c4c giao diém A = d, "(P), B = d, n(P). Khi d6 d chinh la dudng thing AB.
Dang 14. d song song v&i A va cat ca hai dudng thang d,, d,:
Viét phuong trinh mét phing (P) chira A va d,, mit phang (Q) chtra A va d,.
Khidod = (P) A (Q).
Dang 15. d 13 duong vudng goc chung cua hai dudng thing dy,d, chéo nhau:
e Cich 1: Goi M ed,, N ed,. Tir diéu kién {MN L4, , tatim'dugc M, N .
MN Ld

2
Khi d6, d 1a duong thing MN .
e Cach 2:
~Vid Ld, vadld, nénmot VICP cia d co thé la: a=[a,,a, |.
— Lap phuong trinh mét phang (P) chirad'va d,, bang cach:
+ LAy mot diém A trén d, .
+Mot VIPT ctia (P) c6 thé 1a:%, =[ d,d,, |.
— Tuong ty 1ap phuong trinh mit phang (Q) chira d va d, .
Khido d =(P) ~ (0).
Dang 16. Viét phwong trinh dwong thing d 13 hinh chiéu vudng goc ciia dwong thing A Ién

Phwong phap: Xét vi tri tuong ddi ciia duong thing A va (P). -1

A
Qua H

VTCP:ii, =ii,

. Néu An(P)=1I.

Chon mot diém M # I trén A.

Tim H 14 hinh chiéu cia M lén (P).

—
Tim H 1a hinh chiéu cua M 1én (P).
Hinh chiéu 4 :{ %

T

e

Néu A || (P). 177
Chon mét diém M trén A. A

Hinh chiéu vudng goc cia A 1én (P) 1a d = IH.
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Dang 17. Viét dwong thing d 1a dwong thang ddi ximg véi dwong thing A qua mit phing
(P). M A

Phwong phap: Xét vi tri twong ddi ciia duong thing A va (P).

. Néu AllP). /}g my /
Chon mot diém M trén A. ;
Tim H 1a hinh chiéu cua M 1én (P). M T d

Tim M' d6i xing véi M qua (P).

. .. M'
Duong thang doi xung d : Qua o
VTCP:u, =1u,

M
. Néu An(P)=1. /(
Chon mot diém M trén A.

\ L1 A N [/ /_lH
Tim H 1a hinh chi€u cua M 1én (P). :
Tim M’ d6ixing v6i M qua (P).

, MY
o Qua M
Duong thing d6i xing d JE—
VTCP:u, =IM

DANG 3. BAI TOAN LIEN QUAN KHOANG CACH, GOC
1. Khodng cdch tic mgt diém dén dwong thang — Khodng cdch giita hai dwong thing

. Khodng cdch tiv diém M dén mét dwong thing'd qua diem M | c6 vécto chi phwong ﬁd duoc

MM i, |
2,

Khodng cdch giita hai dwong thing song song la khodng cdch tir mét diém thudc dwong thang ndy
dén dwong thang kia.

xac dinh boi cong thiec |d(M ,d) = ‘[

. Khodng cdch giia hai dwong thing chéo nhau: d di qua diém M va cé vécto chi phwong ii

, @M M
va d' di qua diem M' va cé vécto chi phuwong u' la |d(d,d") = —————|

[#.]

2. Goc giira hai dwong thing

Géc giita hai dwong thang d1 va A, co vécto chi phuwong 1/71 Z(Cll;bl;cl) va 172 :(az;bz;cz)-

3 |ul.u2| 3 |ala2 +bb, +clc2|

cos(d,;d,)=cosa =——-= ————
|U1|-|U2| \/al +b +¢ .\/a2 +b; +¢;

voi 0° < a <90°.

3. Géc giva dwong thing va mdt phing

Géc gitta dwong thang d cé vécto chi phwong ﬁd =(a;b;¢) va mat phdng (P) ¢6 vécto phap

luyén ﬁ( P = (4B, C) duoc xdc dinh béi cong thire:

i, i | lad+bB+cC]|
ﬁd|-‘ﬁ(p)‘ N+ + PN A + B +C

sina= ‘cos(ﬁ(P);ﬁd)‘: voi 0°<a <90°.
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CAU 28 PTK2021 Trong khong gian Oxyz , vecto nao dudi ddy 1a mot vecto chi phurong ctia dudng thang

di qua goc toa do O va diém M(l;—Z;l) ?

Ao uy (LL1). B. 1, (1;2;1). C. 1, (0;1;0). D. u, (5-21).
Loi giai

Chon D

Puong thing di qua gc toa do O va diém M (1;—2;1) nhan OM =(1;-2;1) =u, 1a mot

vecto chi phuong.

CAU 38 PTK2021 Trong khong gian Oxyz , duong thang di qua hai diém A(l; 2;—1) va B(2;—1;1) co

phuong trinh tham s6 1a:

x=1+t x=1+¢ x=1+t¢ x=1+t¢
A.yy=2-3¢t . B.{y=2-3¢. C.{y=-3+2t. D. sy=1+2¢.
z=—1+2¢ z=1+2t z=2—-t z=—
Loi giai
Chon A

Puong thing Adi qua hai diém A(12;-1) va B(2-L1) nén ed'VTCP 1a 4B =(1;-3;2)

x=1+t
PTTS cua dudng thang A {y=2-3
z=—1+2¢
Caul:  (Ma 101 - 2020 Lin 1) Trong khong gian Oxyz , cho dudng thing d - x;3 _Y ‘54 _ 23” .
Vecto nao dudi day 1a mdt vecto chi’phuwong cia d ?
A, (2;45-1). B. u, (25-5:3). C. 1,(2;53). D. u,(3;41).
A ~ Y ~ . . 2 x=2 y+ 5 z=-2
Céu 2: (Ma 102 - 2020 Lan 1) Trong khong gian Oxyz, cho duong thang d : = 2 = T
Vecto nao dudi day 1a mét vecto chi phuong cua d ?
A. u, =(3;4-1). B.u,=(2-52).  C.u;=(25-2).  D.u,=(341).
x=2—t
Céu 3: (M3 101 2018) Trong khong gian Oxyz , dudng thang d :{y=142¢ c6 mot vecto chi phuwong la:
z=3+t
A u,=(-1;2;3) B. u, =(213) C. u, =(-1;21) D. u, =(251)
Caud:  (Mi 104 2017) Trong khong gian véi hé toa d6 Oxyz , cho hai diém A(l;l;O) va B (0;1;2) )
Vecto nao dudi ddy 1a mot vecto chi phuong ctia duong thang AB .
A.d=(-L12) B.a=(-L0;-2)  C.b=(-10;2) D. ¢ =(1;2;2)
. o . . x-3 y+1 z-5
Cau5:  (Mai 104 - 2019) Trong khong gian Oxyz cho duong thing d : = > = 3 Vecto
nao sau day 1a mot vecto chi phuwong cia dudng thang d ?
A uy = (1;-2;3) B.u, =(26,—4).  C.u, =(-2,—46). D.u=3-15).
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Cau6:  (Mi 101 - 2019) Trong khong gian Oxyz , cho duong thing 4 : ‘12 _Y 2‘1 _Z Y 3 Vecto ndo
dudi day la mot vecto chi phuong cia d ?
A. U, =(12-3). B. i, =(-1;21). C. ii, =(21,-3). D. i, =(2L]1).
Cau7: (P& Tham Khao 2019) Trong khong gian Oxyz , dudng thang 4 : "2‘1 =2 ‘12 = Z;3 di qua
diém nao dudi day?
A. 0(2-1;2) B. M(-L-2-3)  C.P(123) D. N(-2;1,-2)
Cau8: Trong khong gian v6i hé toa 40 Oxyz, cho duong thang 4 :i1 = yT_4 = 2;3 . Héi trong céc
vecto sau, dau khong phai la vecto chi phuong cia d?
A u =(-1;2;3). B.u,=(3-6-9). C.u,=(-2-3). D.u,=(-243).
A A . f 1A A \ 2 x=1 y-2 z+1 . _,
Cau 9: Trong khong gian vai hé truc toa d0 Oxyz , cho duong thang 4 : R nhan véc to
;t(a; 2;b) 1am véc to chi phuong. Tinh a +5 .
A. 8. B. 8. C. 4. D. 4.
A \ Ao 1N A \ , \ 2 x+2 y+1 z-=-3
Cau 10:  Vecto nao sau day la mot vecto chi phuong cua-duong thang P
A. (-21,-3). B. (-3:21). C. (3-21). D. (213).
Cau1l: (P& Tham Khio 2020 Lan 2) Trong khong gian Oxyz, cho hai diém a7 (1;0;1) Va N (3;2;- 1)
. Puong thang MN c6 phuong trinh-tham s6 1a
x=1+2¢ x=1+1 x=1-t¢ x=1+t
A.3y=2t . B.w=t . C.iy=t . D.iy=t
z=1+1 z=1+¢ z=1+t z=1-t¢
Cau12: Trong khong gian v6i hé toa dd Oxyz , cho hai diém M (l; -2 l) , N (O; L; 3) . Phuong trinh duong
thang qua hai diém M, N 1a
A, x+1:y—2:z+1_B. x+1:y—3:z—2_c i:y_—lzz—S.D.fzy_—lzz—?
-1 3 2 1 -2 1 -1 3 2 1 -2 1
Céu 13: Trong khong gian Oxyz, cho duong thing A di qua diém M (2; 0;—1) va ¢6 mdt vecto chi
phuong a= (4;-6; 2) Phuong trinh tham s6 cia A 1a
x=-2+4¢ x=2+2t x=4+2t x=-2+2¢
A. Jy=6t . B.<y=-3t . C.iy=—6 . D. {y=3¢
z=1+2¢ z=—1+¢ z=2+t z=1+¢
Cau 14: Trong khong gian véi hé truc toa @6 Oxyz , phuong trinh tham s6 truc Oz 1a
x=0 x=t x=0
A. z=0. B.{y=t. C.3y=0. D.<y=0.
z=0 z=0 z=t
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Cau15: Trong khong gian Oxyz , truc Ox cé phuong trinh tham sb

x=0 x=t
A. x=0. B. y+z=0. C.1y=0. D. 1y =0.
z=t z=0

Caul6: (Ma 101 2020 Lan 2) Trong khéng gian Oxyz, cho diém M(L,—2;3) va mit phing

(P) :2x—y+3z+1=0. Phuong trinh ctia dudng thang di qua M va vudng goc véi (P) 1a

x=1+2¢ x=—1+2¢ x=2+t x=1-2¢
A.qy=-2-¢. B.{y=2-t . C.iy=-1-2¢. D.iy=-2-¢.
z=3+3¢ z=-3+3¢ z=3+3¢t z=3-3¢

Cau17: (Mi 102 - 2020 Lan 2) Trong khong gian Oxyz, cho M(l; 2; —3) va mit phing
(P): 2x—y+3z—1=0. Phuong trinh ciia dudng thing di qua diém M va vudng goc voi (P)

lIa
x=2+t x=—1+2¢ x=14+2¢ x=1-2¢
A Jy=—-1+4+2¢. B.iy=-2-¢. C.iy=2=1t . D.{y=2-t
z=3-3¢ z=3+3t z=-3+3¢t z=-3-3¢

Ciu 18: (Ma 123 2017) Trong khong gian véi hé toa d§Oxyz, phuong trinh nao dudi day la phuong
trinh ciia dudng thang di qua A(Z; 3;0) va vuéng goc véi mit phing (P) :x+3y—-z+5=07?

x=1+t x=1+t¢ x=1+3¢ x=1+3¢
A.Jy=1+3t B. <y=3t C.jy=1+3t D.{y=1+3t
z=1-t z=1=t z=1-t z=1+t¢

Cau19: (THPT Yén Phong S6 1 Bac Ninh 2019) Trong khong gian vdi hé toa dd Oxyz , cho mit phang

(a):x—y+2z=1. Trong céc dudng thang sau, dudng thang nao vudng goc véi («).

x =2t

1 1 1
Ad 2= 2 B X2 g t=2 22 poa,y=0
1 -1 2 1 -1 - 1 -1 - t
z=—

Cau20: (Mi 101 - 2020 Lan 1) Trong khong gian Oxyz, cho ba diém A(I;O;l), B(l;l;O) va
C(3;4;—1) . Puong thang di qua 4 va song song v6i BC c6 phuong trinh 1a

_z—1 x+1 y z+1 x-1_y z-1 D x+l_y_ z+l1

-1

-1 2 3 -1 T2 3 -1 7 4 5
Cau2l: (M4 102 - 2020 Lan 1) Trong khong gian Oxyz, cho ba diém A(1;2;3), B(L;1;1),C(3;4;0).

Puong thang di qua 4 va song song voi BC c6 phuong trinh 1a

x+1 y+2 z+3 x-1 y-2 z-3

A. . B.
4 5 1 4 5 1
C. x—lzy—2:z—3_ D. x+1:y+2:z+3_
2 3 -1 2 3 -1
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Cau22: (M4 103 - 2020 Lan 1) Trong khong gian Oxyz, cho ba diém A(1;2;0), B(1;1;2) va C(2;3;1).
Puong thang di qua A4 va song song véi BC ¢ phuong trinh 14
x-1_ y-2 =z x-1 y-2 =z x+1 y+2 =z x+1 y+2 z

A_—:— e — == — D _—

12 -1 T3 4 3 T3 403 12 -l
Cau23: (Ma 105 2017) Trong khong gian vdi hé toa do Oxyz, cho hai diem A(1;,-2;-3); B(-1;4;1)

x+2 y-2 z+3
-1
thang di qua trung diém cia doan AB va song song v6i d ?

va duodng thang d: . Phuong trinh nao dudi day 1a phuong trinh ctia duong

3_y—1_z+1 B E_y—l_z+1
11 2 1 4 2
C. x-1_y-1_z+1 D.Ezy—2:z+2

1 -1 2 1 -1 2

Cau24: Trong khong gian Oxyz, cho diém A4(2;0;—1) va mit phang (P):x+y—1=0.Dudng thing di
qua A ddng thoi song song voi (P) va mit phang (Oxy) c6 phuong trinh 1a

x=3+t x=2+t x =142t x=3+t
A.jy=2t . B.qy=-t . C.jy=-1 . D.{y=1+2t.

z=1-t z=-1 z=—t z=—t

A . \ 3 x—1 y+1 z—=2 \ 2 . ¥
Cau25: Trong khong gian Oxyz, cho duong thang d : 7 = > = 7 . Puong thang di qua diém

M (2;1;—1) va song song voi duongthang d c6 phuong trinh la:
A x+2:y+lzz—1. B.Ezy—5:z+3.

-1 2 -1 1 —2 1

x+1 y-2 z+1 D x=2 y-1_ z+1

2 1 -1 B D

Cau26: Trong khong gian véi hé truc toa d0 Oxyz, cho hai mat phéng (a):x—2y+z—l=0,
(,B):2x+y—z=0 va diém A(1;2;—1). Puong thang A di qua diém 4 va song song véi ca hai
mat phang (a),(ﬂ) c6 phuong trinh la

x—1 y-2 z+l B x—1 y-2 z+1

-2 4 27 Tl 3 57

X_rt

1

A.

\S]
N

|
(8]

x-1_y-2 z+1
1 =2 -

C.

Cau27: (P& Minh Hoa 2020 Lan 1) Trong khong gian Oxyz, diém nao duéi day thuoc duong thiang
X+l _y-2 z-1,

d:
-1 3 3
A. P(-1;2;1). B. O(1;-2;-1). C. N(-1;3;2). D. P(1;2;1).
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; ; , 1 y-2 z+l
Ciu28: (P& Tham Khio 2020 Lin 2) Trong khong gian Oxyz, cho duong thing d : x2 =2 S - z =
Diém nao sau day thudc d?
A. P(1;2;-1). B. M (-1;-21). C. N(2;3;-1). D. O(-2;-31).

x=2 y-1 z+3

Cau29: (Ma 101 2020 Lan 2) Trong khong gian Oxyz, cho dudng thang d: > . Piém
nao dudi day thudc d?
A. O(4-2:1). B. N(4;2;1). C. P(2;1;-3). D. M(2;1;3).

x—4 z-2 z+1

Cau30: (Mai 102 - 2020 Lan 2) Trong khong gian Oxyz, cho dudng thing d :

-5 1
Diém nao sau day thudc d ?
A. N(4;2;-1). B. 0(2;5;1). C. M(4;2;1). D. P(2;-5;1).
Cau3l: (Mai dé 104 BGD&DPT NAM 2018) Trong khong gian Oxyz , diém nao dudi diy thudc duong
x=1-t
thang d: {y=5+t ?
z=2+3t
A. N(1;52) B. O(-11;3) C. M (L1;3) D. P(1;2;5)

Cau32: (Mia 103 2018) Trong khong gian Oxyz, diém nao dudi diy thudc dudng thing

x+2 y-1 z+2

d
1 1 2
A. N(2;-1;2) B. O(-2:-2) C. M (-2;-2;1) D. P(1;1;2)
N N . A . . B x—1 y+2 z-3 .. .
Cau 33: Trong khong gian vdi hé true toa do Oxyz , cho duong thang d : 3 = = .Hoi d di
qua diém nao trong cac diém sau:
A. C(-3;4:5). B. D(3;—-4;-5). C. B(-1;2;-3). D. A(;-2;3).
x=2+t

Cau 34: Giao diém cta mat phang (P) :x+y—z-2=0 va dudng thang d :{ y =—¢
z=3+3t¢

A. (L10). B. (0;2;4). C. (0;4;2). D. (2;0;3).
x=1+2¢

Cau35: Trong khong gian Oxyz, cho dudng thing d:{y=3-r,tcRva mit phing
z=1-t

(P) :x+2y—3z+2=0. Tim toa do ciia diém A 1a giao diém cta duong thang d va mit phang

(P
A. A(3:53). B. A(1;3;1). C. 4(-3;53). D. A(1;2;-3).
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Ciau36: (P& Tham Khiao 2017) Trong khong gian voi hé toa dd Oxyz, cho mit phang

. -1 2 -1

(P):2x—2y—z+1=0 va duong thing A:xz =yT - 22 . Tinh khoang cich d giira A va

(P).

A d=2 B.d=> c.d=2 D.d=1

3 3 3

Cau37: Trong khong gian Oxyz, khoang cach giita dudng thing d :XT_lz%ziz va mit phing

(P):x+y+z+2=0 bang:

A 2. B3 c. 2B D. \3.

3 3
x=1-t¢

Cau38: Trong khong gian v6i hé toa d6 Oxyz cho dudng thing d:{y=2+2¢ va mit phang (P):
z=3+t

x—y+3=0. Tinh s6 do goc giita duong thang d va mit phang.(P).

A. 60° B. 30° C. 120° D. 45°
Cau39: Tinh khoang cach giita hai dudng thang d, ;?: yT—3 = ZIZ vad,: XI3 = y-gl = ZIZ
A.Q. B.E. C.ﬂ. D. 3.
3 5 2

Cau40: Trong khong gian toa do Oxyz, cho.mit phing (P):4x+3y—z+1=0 va duong thing
x=1 y-6 z+4

d: 1 3 , sin ctia gée gilta dudng thang d va mit phang (P)bang
A.i. B.i. C.i. D.E.
13 13 13 13
Cau4l: Trongkhong gian Oxyz cho duong thang A: % = % :il va mit phang (a) :x—y+2z=0.Goc

giita duong thang A va mit phang (a) bang
A. 30°. B. 60°. C. 150°. D. 120°.
x=t

Cau42: Trong khong gian Oxyz , khoang cach tir diém M (2;—4; —l) t6i duong thang A:{y=2—¢ bang

z=3+2¢
A V14, B. /6., C. V14, D. 2/6.
5 A : 1A A . 2 x=3 y z-1 .

Caud3: Trong khong gian vdi hé toa d0 Oxyz, cho duong thang (d ) : > = = = ES va diém

A(2;-1;0). Khoang céch tir di€ém A dén duong thang (d) béing

AT B Y7 c. Y2 .Y

2 3 3

Gido vién: Hupnh Vin Anh — 42 Nguyén Cw Trinh — Thudn Hoa — TP Hué — DT: 0984164935 Page 122

Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tét Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Caudd: (Ma 101 2018) Trong khong gian Oxyz cho diém A(1;2;3) va dudng thang
x=3 y-1 z+7

d 5 " 5 . Puodng thang di qua 4, vudng goc véi d va cit truc Ox c6 phuong
trinh 1a

x=-1+2¢ x=1+t¢ x=-1+2¢ x=1+t¢
A,y =-2t B.{y=2+2¢ C.qy=2t D.{y=2+2¢

z=t z=3+3¢ z=3t z=3+2¢

Cau4s:  (Ma 102 - 2019) Trong khong gian Oxyz, cho cac diém A(1;0;2),B(1;2;1),C(3;2;0) va
D(l; 1;3). Puong thang di qua A va vudng goc voi mit phiang (BCD) c6 phuong trinh 1a

x=1-—t x=1+t¢ x=2-+t x=1-—t¢
A jy=4 . B.{y=4 . C.{y=4+4r. D.{y=2—-4
z=2+42t z=2+42t z=4+42¢ z=2-2t

x-3 y-3 z+2
-1 -2 1

Cau46: (P& Tham Khio 2018) Trong khong gian Oxyz , cho hai dudng thang d, :

x=5 y+l z-2
32
,cat d, va d, c6 phuong trinh 1a

x—2:y—3:z—1 x—3:y—3:z+2 D x—1:y+1:Z

d, va mit phang (P) :x+2y+3z—5=0". Puong thang vudng goc vi (P)

Ax—l_y+1_£
3 2 1 T 2 3 V1 2 31 2 3

Cau47: (Ma 102 2018) Trong khéng gian Oxyz, cho diém A(2;1;3) va duong thang
x+l y-1 z-2

d | 5 . Puong thang di qua 4, vudng goéc voi d va cat truc Oy c6 phuong
trinh 1a.
x=2t x=2+2t x=2+2t x=2t
A.Jy=-3+4t B.{y=1+t C.qy=1+3¢ D. {y=-3+3¢
z=3¢ z=343t z=34+2¢ z=2t
. . N . . 2 x+1 y z+2 . 2
Cau49: (Ma 103 2018) Trong khong gian Oxyz, cho duong thang d : 5 = 3 = 5 va mat phang

(P): x+y—z+1=0. Puong thang nam trong mit phang (P) dong thoi cit va vudng goc véi d
c6 phuong trinh la:

x=—1+¢ x=3+t¢ x=3+t¢ x=3+2¢
A, {y=-4t B.{y=-2+4 C.iy=-2-4 D. {y=-2+6¢
z=-3t z=2+t z=2-3¢t z=2+t
. . A . . 2 x y+1 z-1 . B
Cau50: (Ma 104 2018) Trong khong gian Oxyz cho dudng thang A: n = = = - va mat phang

(P):x—2y— z+3=0. Puong thing nim trong (P) dong thoi cit va vuong goc voi A cd
phuong trinh la:

x=1+2¢ x=-3 x=1+t¢ x=1
A qy=1-¢ B.{y=—t C.iy=1-2¢ D.<y=1-¢

z=2 z=2t z=2+3t z=2+2t
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x=1+3t
Cau51: (Ma 123 2017) Trong khong gian véi hé toa d6 Oxyz, cho hai dudong thfmg d qy=-2+t,
z=2
d,: xT—l =Y +12 = g va mit phang (P) :2x+2y -3z =0. Phuong trinh nao duéi day la phuong
trinh mat phang di qua giao diém cua d, va (P) , ddng thoi vudng goc véi d,?
A. 2x-y+2z+13=0 B. 2x+y+2z-22=0
C.2x-y+2z-13=0 D. 2x-y+2z+22=0

Caus2: Trong khong gian v6i hé toa dd Oxyz cho diém A(1;-1;3) va hai duong thing

_ 2 2—1 _ _

d13x 3:y+ _z ’dz:x 2:y+1:z 1
3 3 -1 1 -1

vudng goc v6i dudng thing d, va cit thing d,.

. Phuong trinh dudng thang d di qua A,

x-1_ y+1 z-3 x—1 y+1 z-3

A. B.
5 —4 2 3 -2 3
C. x—1:y+1:Z—3. D. x—1:y+1:Z—3.
6 -5 3 2 =1 3

x=t

Caus3: Trong khong gian Oxyz, cho diém M (L,—12) va hai dudng thang d:4y=-1-4¢,

z=6+06t
p X _y—1 _z+2 NI AT . . . A
d :E:T: s . Phuong trinh nao dudi day la phuong trinh duong thang di qua M, vudng
gocvoi d vad'?
AL x—1=y+1=Z—2' B. x—1=y+1=z+2'
17 14 9 14 17 9
C. x—1=y+1=Z—2' D. x—1=y+1=Z—2'
17 9 14 14 17 9
x=2+t ;
Cau54: Cho hai dudng thing (d,):3 y=1+¢ va (dz):%=y;3=i1. Duong thang (A) 1a duong
z=1+t

vudng goc chung cua (d,) va (d, ). Phuong trinh nao sau dau la phuong trinh ctia (A)

x=2 y-1 z+2 x=2 y-1 z-1

A. . B. .
1 1 -2 1 1 -2
C. x—lzy—4:z+1. D. x—3:y+2:z+3_
1 1 -2 1 -1 -2
Cau55: Trong khong gian véi hé toa d0 Oxyz, cho mit phing (P):3x+y+z=0 va dudng thang
x=-1_ 'y z+3 . v as 2 N oA Y
T = ) = . Goi A 1a duong thang nam trong (P) , cat va vudng goéc voi d . Phuong
trinh nao sau day 1a phuong trinh tham s ctia A?
x=-2+4t x=-3+4¢ x=1+4¢ x=-3+4¢
A.<y=3-5t . B.iy=5-5t . C.iy=1-5¢ . D.<y=7-5¢ .
z=3-Tt z=4-T¢t z=—-4-"Tt z=2-Tt
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Cau 56: Trong khong gian véi hé toa dd Oxyz , cho diém A(1;—1;3) va hai dudng thang:
d,: x;4:y12:z—2l’ , :xI2=y+11=z—1 . Viét phuong trinh duong thang d di qua 4,
vudng goc voi dudng thang d, va cit duong thang d,.
AL x—1:y+l:Z—3. B. x—1:y+1:z—3.
2 -1 -1 6 1 5
C. x—1:y+l:Z—3. D. x—1:y+l:z—3.
6 | 2 1 3
Cau 57: Trong khong gian v6i hé toa do Oxyz cho diém A(l; 0;2) va duong thang d c6 phuong trinh:
-1 1 . . .
xl =%= L Vidt phuong trinh duong thang A di qua A, vudng goéc va cat d .
A'x—l:X:Z—Z B.x—l:X:Z—Z C.x—l:X:Z—Z D'x—l:l:z—Z
1 1 1 1 I -1 2 2 1 1 -3 1
Cau58: Trong khong gian véi hé truc toa do Oxyz, cho mit phang (P):2x+y—2z+9=0 va duong
thang a’:x_l1 = y+3 = 2_3. Phuong trinh tham s6 cta dudng thang A di qua A(O;—1;4),
vudng goc v6i d va nam trong (P) la:
x=>5t¢ x=2t x=t x=—t
A.A:qy=—1+t. B. A:qy=t . CoA:qy=-1 . D. A:qy=—-1+2¢.
z=4+5t z=4-2t z=4+¢ z=4+t
Cau59: (Mi 110 2017) Trong khong gian véi hé toa do Oxyz, cho diém A(l; —2;3) va hai mat phang
(P): x+y+z+1=0, (Q): x—y+2z—-2=0. Phuong trinh ndo dudi day la phuong trinh dudng
thang di qua A, song song véi (P) va (Q) ?
x=1+t x=—1+t x=1+2¢ x=1
A {y=-2 B.{y=2 C.iy=-2 D.<y=-2
z=3—¢ z=-3—-t z=3+2t z=3-2¢t
Cau 60:  Trong khong gian véi hé toa 46 Oxyz , cho diém M (1;—3;4), duong thang d c6 phuong trinh:
2 - -2 . . ,
x; P4 55 =272 vamit phang (P): 2x+z—-2=0. Viét phuong trinh duong thang A qua
M vuéng goc v6i d va song song voi (P).
A.A:x—l:y+3:z—4. B.A:x_l=y+3=2_4.
-1 -2 -1 -1 -2
C.A:x—1:y+3:z—4' D.A:x_1=y+3=2+4.
1 1 -2 1 -1 2
Cau 61: Trong khong gian toa do Oxyz, viét phuong trinh chinh tic ctua duong thing di qua diém
A(3;-1;5) va cung song song v6i hai mit phang (P):x—y+z-4=0, (0): 2x+y+z+4=0
A d- x—3:y+1:z—5_ B. x—3:y+1:z—5.
2 1 -3 2 -1 -3
C. x+3:y—1:z+5_ D. x+3:y—1:z+5_
2 1 -3 2 -1 -3
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[ DANG TOAN 29: XAC SUAT J

KIEN THUC CAN NHO:

© Tinh xic suit bang dinh nghia : Cong thirc tinh x4c suat ctia bién cd A: P(A)=

© Tinh xéc suit bing cong thic :

+ Quy tic cdng xac suit:

* Néu hai bién c6 4, B xung khic nhau thi P(4U B)=P(A)+P(B)
* Néu cac bién ¢d 4,,4,,4,,..., 4, xung khic nhau thi

P(A4 VA, U..0A4)=P(4)+P(4)+..+P(4,)

+ Cong thirc tinh x4c suét bién c6 ddi: Xac suit cua bién cb A ctiabién cd A4 la:
P(4)=1-P(4)

+ Quy tic nhan xic suit:

*Néu A4 va B 1a hai bién c6 doc 1ap thi

P(A4B)=P(A).P(B)

* Mot cach tong quét, néu k bién cd 4,,4,,4,,.., A, 1a doc lap thi
P(A4,4,,4;,...4,)=P(4).P(4,)..P(4,)

CAU 29 PTK2021 Chon ngiu nhién mot s6 trong 15 s6 nguyén duong dau tién. Xac suat dé chon duoc
s6 chin bang

A.Z. B.ﬁ. C.l. D.l.
8 15 15 2

Loi giai

Chon C

9

Goi A 1a bién cd: “Sb duoc chon 1a s6 chin”.
Taco Q={1;2;3;..;14;15} = n(Q)=15.
Va A={2;4;6;8;10;12;14} = n(A4)=7.
A , A 5 <A A \ n (A)
Vay xac suat cia bien co 4 la P(A) =——t=—,
n(Q) 15
Caul: C6 9 chiéc thé duoc danh sb tir 1 dén 9, ngudi ta rat ngau nhién hai thé khac nhau. Xac suat dé
rit dwoc hai thé ma tich hai s6 duoc danh trén thé 1a s chin bang

N 13 .

. — C—. D.
3 18 18

W | —

Cau2: Trong mot hom phiéu c6 9 14 phiéu ghi cac sd tu nhién tir 1 dén 9 (mdi 14 ghi mot s6, khong co
hai 14 phiéu nao dugc ghi cing mét sb). Rut ngiu nhién cung luc hai 14 phiéu. Tinh xac suat dé
tong hai s6 ghi trén hai 14 phiéu rat duoc 1a mot s 1¢ 16n hon hodc bang 15.

A.i. B.l. C.i. D.l.
18 6 12 9
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Ciu 3: Mot hop chira 20 thé duoc danh sb tir 1 d&én 20 . Liy ngdu nhién 1 thé tir hop do. Tinh xac suit
the 1iy dugc ghi sb 1¢ va chia hét cho 3.
A. 0,3. B. 0,15. C.0,5. D. 0,2.
Cau4: Gieo mot con stc sic can ddi déng chit 2 1an. Tinh x4c suit dé tich s chAm xuét hién trén con
suc sac trong 2 l1an gieo 1a mot so 1€.
A. 0,25. B. 0,75. C. 0,85. D. 0,5.
Ciu 5:  Trong mot hop co 10 vién bi déanh s6 tir 1 dén 10, 1dy ngiu nhién ra hai bi. Tinh xé4c suat dé hai
bi lay ra c6 tich hai so trén chung 1a mot so 1€.
AL B. L. c.t D. L.
2 9 9 9
Ciu 6: Mot hop chira 30 thé dugc danh s6 tir 1 dén 30. Nguoi ta ldy ngiu nhién mot thé tir hop do.
Tinh xac suat d€ thé lay dugc mang s6 1¢ va khong chia hét cho 3.
AL B.L. c.>. p. 2.
5 3 10 15
Cau7: Gieo mot con stc sic can ddi va déng chét, xac suit dé mit co sé chAm chin xuét hién
A B. L. c.l. p. 2.
2 3 3
Cau8: Co6 20 tim thé duoc danh s tir 1 dén 20 . Chon ngﬁu nhién 8 tdm, tinh xac suat dé chon dugc
5 tim mang s6 1¢, 3 tAm mang s6 chén trong d6 itnhat c6 2 tdm mang sb chia hét cho 4, két
qua gan dang 1a
A.12%. B. 23%. C. 2%. D. 3%.
Cau 9: Thﬁy Binh dat 1én ban 30 tim thé danh.sétr 1 dén 30. Ban An chon ngau nhién 10 tam thé.
Tinh x4c suat dé trong 10 tim thé ldy'ta’'cé 5 tAm thé mang s6 1¢, 5 tim mang sé chin trong dé
chi c6 mot tam thé mang s chiahét cho 10.
B B c.>. D. 2.
11 667 11 167
Cau 10: Tucacchitsd1,2,3,4,5,6,7,8 ta lap cac s6 tu nhién c6 6 chir sd, ma cac chit s6 d6i mot
khac nhau. Chon ngdu nhién mét sb vira lap, tinh xac suat dé chon dugc mét sé co dung 3 chix
s6 1é ma cac chit s6 1¢ xép ké nhau.
L B. . c. . p. L.
840 35 210 35
Cau 11: (M4 102 - 2020 Lan 1) Goi S 1a tap hop tat ca cac s6 ty nhién c6 4 chir sb d6i mot khac nhau
va cac chir sb thudc tap hop {l, 2,3,4,5,6,7,8, 9} . Chon ngﬁu nhién mot $b thudc S, xac suét
dé s6 d6 khéng co hai chir s6 lién tiép nao cung 1¢ bang
31
AL B. 2L c. > D. >
42 126 126 21
Ciu 12: (M4 103 - 2020 Lan 1) Goi S 14 tap hop tat ca cac sb tw nhién c6 bon chir s6 d6i mot khac nhau
va cée chit s thude tap hop {1;2;3;4;5;6;7}. Chon ngau nhién mét sé thugc S, xc suét dé sb
d6 khéng co hai chir s lién tiép nao ciing chin bang
2 B. 10 c.Z. p. 2.
35 35 35 35
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Cau 13: (M4 102 - 2020 Lan 2) Goi S 1a tap hop tit ca cac sd ty nhién co 6 chir sb d6i mot khac nhau.
Chon ngiu nhién mot s6 thudc S, xac sudt dé sd dé co hai chit sd tan cung ¢ cung tinh chén 1&
bang
NES 52 c2 bl

9 9 5 3

Ciu 14: (M4 103 - 2020 Lan 2) Goi S 1a tap hop tat ca cac s6 tu nhién c6 5 chit s6 doi mot khac nhau.
Chon ngﬁu nhién mot s6 thudc S, xac suit dé sé d6 co hai chit sd tan cung khac tinh chin 18
bang
NS 51 S b}

81 2 18 9

Ciu 15: Chon ngau nhién mdt s6 tir tap hop s6 c6 ba chit s6 khac nhau. Xac suat dé sé dugc chon c6 tong

céc chir s 1a s6 chan bang
iy B. 2 c.l. D. 2%
81 9 2 81

Ciu 16: C6 6 chiéc ghé dugc ké thanh mot hang ngang. Xép ngau nhién 6 hoc sinh, gdm 3 hoc sinh 16p
A, 2 hoc sinh 16p B va 1 hoc sinh 16p C, ngdi vao hang ghédé, sao cho mdi ghé co diing mot
hoc sinh. Xac suat dé hoc sinh 16p C chi ngdi canh hoesinh 16p B bing
Al NS o2, p.l

6 20 15 5
Ciu 17: Tiu mot doi vian nghé gdbm 5 nam va 8 nit can.Jap mot nhém gdm 4 nguoi hat top ca. Xac suat dé
trong 4 ngudi dugc chon déu la nam bang
4 4 4 4
A S B. & c & . &
C13 CS C13 Al3

Ciu 18: Mot chiéc hop chtra 9 qua cau gom 4 qua mau xanh, 3 qua mau do va 2 qua mau vang. Liy ngau
nhién 3 qua cau tir hop d6. X4c suat dé trong 3 qua cau lay dugc co it nhat 1 qua mau do bang
Al B2 c. p. L.

3 28 21 42

Ciu 19: Ban chi dao phong chéng dich Covid-19 cua sé Y t& Nghé An c6 9 nguoi, trong dé c6 dung 4
bac si. Chia ngéu nhién Ban d6 thanh ba t6, mdi to 3 ngudi dé di kiém tra cong tac phong dich &
dia phuong. Trong mdi td, chon ngiu nhién mot nguoi 1am to truong. Xac suat dé ba to truong
déu 1a bac s la
NS 51 c L b1

42 21 14 7

Cau 20: Chotép S = {1;2;...;19;20} gém 20 s6 tu nhién tir 1 dén 20. Liiy ngﬁu nhién ba sb thudc S . Xac
suat dé ba sd lay dugc lap thanh cap s6 cong 1a
N 51 S b L

38 38 38 114
Céu 21: Xép ngdu nhién 5 hoc sinh 4, B,C, D, E ngdi vao mot diy 5 ghé thang hang (mdi ban ngdi mot
ghé). Tinh xé4c suat dé hai ban 4 va B khong ngdi canh nhau.
AL B.>. c.z. .2
5 5 5 5
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Cau 22: Mot nhom gém 10 hoc sinh trong d6 c6 7 hoc sinh nam va 3 hoc sinh nit. Chon ngﬁu nhién 3 hoc
sinh tr nhom 10 hoc sinh d6 di lao dong. Tinh xac suat dé trong 3 hoc sinh dugc chon co it nhat
1 hoc sinh nir.
Al B. L. c. D.2.
9 24 48 3
Céu 23: Doi hoc sinh gioi truong trung hoc phd thong chuyén bén tre gdm c6 8 hoc sinh khéi 12, 6 hoc
sinh khéi 11 va 5 hoc sinh khéi 10. Chon ngau nhién 8 hoc sinh. Xac sut dé trong 8 hoc sinh
duoc chon ¢6 du 3 khdi la
N 71131. B. 35582. C.E. D. 71128'
75582 3791 153 75582
Ciu 24: Gieo mot con suc sic can d6i dong chat 3 lan. Tinh xac suat dé tich s6 cham 3 1an gieo 13 chan.
N b1 ¢} b
8 8 8 8
Ciu 25: C6 hai day ghé ddi dién nhau, mdi diy c6 ba ghé. Xép ngau nhién 6 hoc sinh gdm 3 nam 3 nit
ngdi vao hai ddy ghé d6 sao cho mdi ghé c6 diing mot hoc sinh ngdi. Xac suat dé mdi hoc
sinh nam déu ngéi dbi dién voi mot hoc sinh nit béng
L 52 c. 1 b2
10 5 20 5
Ciu 26: Xép ngdu nhién 3 hoc sinh 16p A, 2 hoc sinh 1ép B va 1 hoc sinh 16p C vao sau ghé xép quanh
mot ban tron (mdi hoc sinh ngdi ding mot ghé). Tinh xac suit dé hoc sinh 16p C ngdi gitta 2 hoc
sinh l6p B
Nl bl ¢ b3
13 10 7 14
Ciu 27: C6 50 tim thé danh s6 tir 1-dén50. Rat ngau nhién 3 thé. Xac suat dé tong cac sd ghi trén the
chia hét cho 3 bang
8 11 769 409
A, —. B. —. . .
89 171 2450 1225
Ciu 28: Mot hop chira 10 qua cau duoc danh s6 theo thir ty tir 1 dén 10, 1dy ngdu nhién 5 qua cau. Xéac
suét dé tich cac sd ghi trén 5 qua cau d6 chia hét cho 3 bang
A B. . c. L. p. 1.
12 12 12 12
Cau 29: Mot hop dung 15 tAm thé dugc danh s6 tr 1 dén 15. Chon nga:lu nhién 6 tim thé trong hop. Xac
suat dé tong cac sb ghi trén 6 tim thé duoc chon 1a mot s 1é bang.
I NE <2 . 3
143 715 143 143
Cau 30: Goi S 1a tap hop cac sb tw nhién c6 4 chit sé d6i mot khac nhau 1ap thanh tir cac chir sb
0,1,2,3,4,5,6,7 . Chon ngau nhién mét sd tir tap S . Tinh x4c suat dé sb dugc chon co ding 2
chit sb chan.
24 144 2 |
. —. B. —. C.7—. D.—8.
35 245 245 35
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Cau31: Cho tap S ={1;2;3;..;19;20} gdm 20 s tu nhién tir 1 dén 20. Liy ngiu nhién ba sd thudc S.
Xac suit dé ba s6 1y duoc 1ap thanh mot cap sé cong 1a
L B. 2. c.>. D. L.
38 38 38 114
Ciu 32: Goi S 1a tap hop tat ca cac sb tu nhién ¢ 3 chit s6 dugc 1ap tir tap X = {0;1;2;3;4;5;6;7}. Rut
ngau nhién mot sé thude tap S. Tinh xé4c suit dé rat dugc sé ma trong sé do, chit sé dimg sau
luén 16n hon hodc bang chir sé dung trudc.
A2 B. 1 c.> D. >
7 64 16 32
Céu 33: Doi thanh nién tinh nguyén cta mot trudng THPT gom 15 HS, trong d6 c6 4 HS khéi 12, 5 HS
khdi 11 va 6 HS khéi 10. Chon ngdu nhién 6 HS di thyc hién nhiém vu. Tinh xac suit &é 6 HS
duoc chon ¢6 du 3 khoi.
4248 B. 2T c. L p. 320
5005 5005 1001 1001

Ciu 34: Tiu mot hop chtra 12 qua ciu, trong d6 c6 8 qua mau do, 3 qud mau xanh va 1 qua mau vang, 1ay
ngau nhién 3 qua. Xac suat dé lay duoc 3 qua cau c6 dung hai mau bang:
A.é. B.ﬂ. C.Q. D.ﬁ
44 44 220 220

DANG TOAN 31: GIA TRI LON NHAT VA GIA TRI NHO NHAT CUA CAC HAM SO PON
GIAN

KIEN THUC CAN NHO:

 Gia tri 16n nhét cta ham sd /(x) trén doan [a;b]

Ham s £ (x) lién tyc trén doan [a;b] va f'(x,)=0,x €[a;b]. Khi do gia tri 1on nhét cua
hamsb f(x) 1a M =max{f(a),f(b).f(x)}

+ Gia tri nho nhat ciia ham sé 1 (x) trén doan [a;b]

Ham s £ (x) lién tyc trén doan [a;b] va f'(x,)=0,x €[a;b]. Khi do gia tri nho nhét cua
ham sb f(x) 1a m=Min{f(a), f(b).f(x)}

* Ham s y = f(x) dong bién trén doan [a;b] thi ]\[{g]xf(x) =f(b);%?f(x) = f(a)

* Hims6 y = f(x) nghich bién trén doan [a;b] thi Zl[lg])cf(x) =f(a);]%/(€;]1f(x) =f(b)

CAU 31_DTK2021 Goi M,m lan luot la gia tri 16n nhat, gié tri nh6 nhét cia ham s6 f'(x)=x"-2x"+3
trén [0;2] . Tong M +m bang
A. 11 B. 14. C.5. D. 13.
Loi giai
Chon D
Piéu kién xac dinh: D=R.
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Tacod f'(x)=4x"—4x

x:OeE(O;Z)
f(x)=04x -4x=0<|x=1€(0;2)
x=—1¢(0;2)

f(O):3;f(1):2;f(2):11.
Do do Mzrfolgﬁ(f(x)zll;m=r[r01;i21]1f(x)=2.
Nén M +m=13.
Caul: Goi m, M lanluotla gia tri nho nhét va gia tri lon nhét cta ham s y:x+% trén doan [1;4].
Gia tri cia m+ M bang

A9 B. 16. C.?. D. 10.

4
. . 4 . . 4 ” \ A 4 A N
Cau 2: Tich cua gia tri 16n nhat va gia tri nhé nhat cia ham so f(x) = x+— trén doan [1;3] bang
X

A. @ B. 20. C. 6. D. 2

3 3
Cau3:  Gia tri nho nhat cia ham sb f(x) = x* —10x* + I'trén doan [—3; 2] bing
A. L B. -23. C. -24. D. -8.

Cau4: Tim gid tri 16n nhat cia ham s§ y =x>.—2x” —=7x+1 trén doan [-2;1].
A. 3. B. 4. C.5. D. 6.

al 3 trén doan [0;2].

Cau5:  Tim gid tri 16n nhat M codhamsd y =

A. M =5. B. M =-5. C.MZ%. D.M=—%.
Cau 6:  Gid tri nhd nhét ctia ham s6 f'(x)=x’ —3x> —9x+35 trén doan [-4;4] la
A. E}éﬂf(x)zo. B. fg{ﬂf(x)z—SO. C. &{Hf(x)=—4l. D. fgl;ﬂf(x)zli

4 1 5 . . I4 . . 4 X .
Cau7: Hamso y= §x3 —Exz +6x+1 dat gia tri 16n nhat va gia tri nho nhat trén doan [1 ;3] lan luot tai

hai diém x, va x,.Khi d6 x, + x, bang
A. 2. B. 4. C.5. D. 3
CaAu8: Gid trj 16n nhat cia ham s6 y=2x’+3x"—12x+2 trén doan [-1;2] thudc khoang nio dudi
day?
A. (3:8). B. (-7:8). C. (2:14). D. (12:20).

Cau9: Goigiatrilon nhét, nho nhit ctia ham sb y=x"—3x" trén doan [—1;1] lan luot1a M, m . Tinh

M-m.
A. 0. B. 4. C. 2. D. 4.
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Ciu 10: Goi M va m lan luot 12 gia tri 16n nhat, gia tri nho nhat cia ham sé y = —2° + 3z + 2 trén doan
|0;1]. Khi d6 gia tri biéu thirc P = 2M — 3m
A. P=-38. B.P=2. C. P =38. D. P =—-52.
Cau 11: (P& Tham Khao 2019) Cho ham s6 y = f(x) lién tuc trén doan [-1;3] va c6 do thi nhu hinh
vé bén. Goi M va m 1an luot 13 gia tri 16n nhat va nho nhit ciia ham s da cho trén doan [-13]

. Gia tri cia M —m bang

A. 1 B. 4 C.5 D. 0

Cau12: (P& Minh Hoa 2017) Cho ham s0 y = f(x) x4c dinh, lién tuc trén R va c6 bang bién thién:

X | -0 0 1 +0
oo+ | - 0 o+
LI+OQ
: 0\\ /
’ / ]
-0

Khang dinh nao sau day 1a khang dinh ding?

A. Ham sb c6 gia trj cyc tiéu bang 1.

B. Ham sd c6 gia tri 16n nhét bang 0 va gia tri nho nhat bang —1.
C. Ham s dat cuc dai tai x =0 va dat cuc tiutai x=1.

D. Ham sd ¢6 ding mot cyc tri.

Cau 13: Chohamsé y = f(x) lién tuc trén doan [-1;1] va c6 dd thi nhu hinh v&.

Goi M va m lan luot la gia tri 1on nhat va nho nhét ctia ham s da cho trén doan [—1;1] . Gia

tri cia M —m bang

A. 0. B. 1. C.2. D. 3.
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Céhu 14: Chohamsé y = f(x) lién tuc trén [-3;2] va c6 bang bién thién nhu sau. Goi M,m lan lugt la

gid tri 16n nhét va gid tri nho nhat ctia ham s y = f(x) trén doan [~1;2]. Tinh M +m.

3 1 0 1 2
3 2
f(x) _2/ \0/ \]

A. 3. B.2. C.1. D. 4.

Ciu 15: Cho hamsd y= f (x) xéac dinh va lién tuc trén R co dd thi nhu hinh
v& bén. Tim gia tri nho nhat m va gid tri 16n nhit M cla ham s6
y = f(x) trén doan [-2;2]. T {

: pedeee
A.m=-5M=-1.  B.m=-2;M=2. i \
C. m=-1;M =0. D. m=-5;M=0. i 3 |

Cau 16: Cho ham s6 y = f(x) lién tuc va c6 bang bién thién trén doan [-1;3]

nhu hinh v& bén. Khang dinh nao sau day diing?

% -1 0 2 3
_'l" + 0 - 0 +
> -4

A. r[ggﬁf(x):f(O). Bamax f(x)=/(3). C.max f(x)=/(2). D.maxf(x)=/(-1).

fois] &E
Cau 17: Cho ham sb £ (x) lién tuc trén [-1;5] va co dd thi trén doan [~1;5] nhu hinh v& bén dudi. Tong
gid trj 16n nhat va gid tri nho nhat ciia ham s6 £ (x) trén doan [-1;5] bing

by
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Chu 18: Chohamsd y = f(x) c6 bang bién thién trén [-5;7) nhu sau

z | =5 1 7

Ménh dé nao dudi day diung?
A. 1[\_/£;i7r)1f(x)=6. B. Mi7r)1f(x)=2. C. Ma7xf(x)=9. D. Max f(x)=6.

[

=2

-4
Goi M va m lan luot 12 gié tri 16n nhat va nho nhat ciia ham sb da cho trén doan [-2;6]. Gid

tri cia M —m bang
A.9. B. -8. C.-9. D. 8.

Ciau20: Chohamsb y=f (x) lién tue va c6 dd thi trén doan [-2;4] nhu hinh v& bén. Téng gia tri 16n

nhat va nho nhat ciia ham s6 y = f(x) trén doan [-2;4] bang

Y

A.5 B.3 C.0 D. -2

Cau21: (Pé Tham Khéo 2020 Lan 2) Gia tri nho nhat cua ham s f(x) =x*—10x” +2 trén doan

[—1; 2] bang
A. 2. B. -23. C. 22. D. -7.
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CAu22: (M4 101 -2020 Lan 1) Gia tri nho nhit ciia ham sb f(x) =x’ —24x trén doan [2;19] béng
A. 3242 B. —40. C. -322. D. -45.
Cau23: (M4 102 - 2020 Lén 1) Gia tri nho nhét ctia ham s§ f(x)=x"—-21x trén doan [2;19] bing
A. =36. B. —14y7 . C. 147 . D. —34.
Chu 24: (M4 101 -2020 Lan 2) Gié tri nho nhat cia ham s6 f (x) =x* —10x* — 4 trén [0;9] bang
A. -28. B. 4. C. -13. D. -29.
Cau 25: (Ma 102 - 2020 Lan 2) Gi4 tri nho nhat cua ham s6 f (x)=x*—12x’ -4 trén doan [0;9] bang
A. -39. B. —40. C. -36. D. —4.
Cau26: (M 102 - 2019) Gi tri nho nhét ciia ham s6 f'(x)=x’ —3x+2 trén doan [-3;3] bang
A. 0. B. -16. C. 20. D. 4.
. . 1
Cau 27: (Ma 104 2017) Tim gia tri nhé nhat 77 cia ham s0 y = x> + 2 trén doan [5;2]
X
A. m=5 B. m=3 C.m=% D. m=10
CAu28: G tri nho nhét ciia ham s6 y = x> + 2 trén dodn [233] biing
X
AL B. 5. c. 22 D. 3.
2 3
Cau 29: Tim gi trj 16n nhat M ctia ham so_y = 3x _31 trén doan [0;2]
A.M:%. B.M=_§. C.M=5. D. M=-5
Cau 30: Gid trj 16n nhit ciia ham s§ y=+v4—x 1a
A.2. B. 0. C.4. D. 1.
Cau 31: Goi M la gi4 trj nho nhét cia ham s6 y = x_1+i1 trén khoang (1;+90). Tim m?
—
A. m=5. B. m=4. C. m=2. D. m=3.
Ciu 32:  Gia tri nho nhat cia ham s y=x-5+ 1 trén khoang (O; +oo) bang bao nhiéu?
X
A. 0 B. -1 C.3 D. 2
Cau33: Goi » lagia tri nhé nhat cia ham s6 y=x+ 4 trén khoang (0; +OO) Tim m
X
A. m=4. B. m=2. C.m=1. D. m=3.
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[ DANG TOAN 32: BAT PHUONG TRiNH MU - LOGARIT CO BAN J

KIEN THU'C CAN NHO:
BAT PHUONG TRINH MU

+Néu a>1 thi /> o f(x)>g(x). (cung chiéu)
+Néu 0<a<1 thi a’V > e < f(x)<g(x). (nguoc chiéu)
+Néu a chira an thi o’V > ¢*" < (a —1)[f(x)—g(x)] >0.
BAT PHUONG TRINH LOGARIT
+Néu a>1 thi log, f(x)>log, g(x) < f(x)>g(x) (cing chiéu)
+Néu 0<a<1 thi log, f(x)>1log, g(x)< f(x)<g(x) (nguge chiéu)
log, B>0<(a—1)(B-1)>0
+ Néu a chtra an thi M> 0 (A-1)(B-1) 0
log, B
CAU 32_DPTK2021 Tap nghiém cta bit phuong trinh 3 507 13
A. [-1:1]. B. (—:1]. C.[-V77]. D. (I;+00].
Loi gidi
Chon A

Taco 3% 227 = 4-x> 23 ¥ <l xe[-1]]

Caul: (P& Minh Hoa 2020 Lin 1) Tapnghiém cta bat phuong trinh 5 > 55 1a
A. [-2;4]. B. [-4;2].
C. (—oo;—Z]u[4; +oo). D. (—oo;—4]u[2;+oo).

Cau2: (P& Tham Khio 2020 Lan 2) Tap nghiém ciia bat phwong trinh 9* +2.3* -3>0 a
A. [0;+). B. (0;+00). C. (1;+00). D. [1;+0).

Cau3: (Ma 101 - 2020 Lan 1) Tap nghiém ctia bat phuong trinh 3* 7 <27 1a
A. (454 ). B. (—4;4). C. (~0:4). D. (0;4).

Caud: (M 102 - 2020 Lin 1) Tap nghiém cta bit phuong trinh 3° > <9 1a
A. (-55). B. (—0;5). C. (5:+0). D. (0;5).

Ciu5: (P& Tham Khao 2018) Tap nghiém cta bat phuong trinh 22* <2 1a:
A. (—o0;6) B. (0;64) C. (6;+00) D. (0;6)

CAu 6:  Tép nghiém cuia bit phuong trinh 2> <8 1a
A. (~o;-3]. B. [-3:1]. C. (-31). D. (-3:1].

Cau7: Tapnghiém S cta bat phuong trinh 52 < [2LS] 1a

A. §=(—00;2) B. § =(—oc;1) C. S =(L4o0) D. §=(2;400)
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—x?+3x
Ciu 8: Tim tip nghiém S cua bit phuong trinh(Ej < % .
A. §=[1;2] B. S =(—o031) C. 5=(1;2) D. §=(2;+)

2x2-3x-7
Ciau 9: SO nghiém nguyén cia bat phuong trinh [E) >3 1a
A.7. B. 6. C. v sb. D. 8.
1 —2x-6
Cau 10:  Tép nghiém cia bat phuong trinh 2°* < [Ej 1a

A. (0;6). B. (—0;6). C. (0;64). D. (6;+%).

x“-2x
Céu 11: Bét phuong trinh [%} 2% c6 tap nghiém la

A. [3;+oo). B. (—oo;—l]. C. [—1;3]. D. (—1;3).

Céau 12: Tép nghiém cia bét phuong trinh 3**? > é la

A. [—4;+oo). B. (—oo;4). C. (—oo;O). D. [0;+oo).
. SR (1)
Cau 13: Tim nghiém cda bat phuong trinh 5 > Z
A. x<3. B. x>3. C.x2>3. D.1<x<3.

2x+1
Ciu 14: Tap nghiém ctia bt phuong trinh (gj >1 la

A. (—0;0). B. (0;+x). C. (—oo;—%j. D. [—%;-FOOJ.

Cau 15:  Cho bat phuong trinh 4 —5.2' +16 <0 ¢6 tap nghiém la doan [a;b]. Tinh 1og(a2 +b2)
A 2. B. 1. C.0. D. 10.
Ciu 16: (P& Tham Khio 2020 Lan 2) Tap nghiém ciia bat phuong trinh logx >1 1a
A. (10;+0). B. (0;+0). C. [10;40). D. (—10).
Cau17: (M4 102 - 2020 Lan 2) Tap nghiém ciia bt phuong trinh log, (13-x*)>2 la
A. (—oo;—2]u[2:+oo). B. (—00;2]. C. (0;2]. D. [—2;2].

Cau 18: (M4 103 - 2020 Lan 2) Tap nghiém cita bt phuong trinh log, (36— x")>3 I

A. (—0;-3]U[3;40). B. (-;3]. C. [-3:3]. D. (0;3].
Cau 19: Tim tdp nghi¢ém S ciia bat phuong trinh log, (x+1) <log, (2x~1).
2 2
A. S=(24). B. S=(~12). C.S=(==2). D S:G;z).
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Cau 20: Tap nghiém S cta bat phuong trinh log, (2x + 3) >01a
A. S =(—o0;—1]. B. S =[-1+w). C. S =(—o0;-1). D. S =(—0;0].

Ciau 21: Tap nghiém cia bat phuong trinh log, (5 - 2x) >log, 9 1a

10
S 5
A 035 B. (—0;-2). C.|-2= . D. (-2;+).
2 2
Cau 22: Tap nghiém cua bat phuong trinh log, s (x—1)>1 1a

N Y (]

Ciu 23: Tap nghiém cua bat phuong trinh log (x+1)>log_(2x-5)1a

4 4
A. (-1;6) B. (%;6) C. (6;+x) D. (-;6)
Ciu 24: Tim tap nghiém S cia bat phuong trinh log, (2x+3) <log; (1 —x)

) S el

Cau 25: Tap nghiém ciia bat phuong trinh log, (log1 x} <11a

2

A. (0;1). B. (1;3) C. (1;1) D. (l;+ooj.
8 8 8
Cau 26: SO nghiém nguyén cua bat phirong trinh log, s (15x+2)>1log, (13x+38) la
A. V0 0. B. 4. C.2. D. 3.

Cau 27: Tap nghiém cia bat phuong trinh log, (3x+1)<2 1a

A. [—%;1) B. (—%%) C. (—%;1) D. (—oo31)

Cau 28: Tap nghiém clia bit phuong trinh log, (x2 - 1) >3 1a?
A. [-2;2]. B. (—o0;-3]U[3;+0).
C. (-o;=2]U[2;40). D. [-3;3].

Cau29: Tap nghiém S cia bat phuong trinh log, (2x - l) <01la
A. Sz(—oo;%). B. S =(1;+x). C. S=(%;+oo). D. §=(-o31).
Cau 30: Tap nghiém cia bat phuong trinh log, , (5x+14) <log, (x2 +6x+ 8) 1a

A. (-22]. B. (—;2]. C. R\[—%;O] D. [-3;2].
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Céu 31: Bét phuong trinh log,(3x—2) >log,(6—5x) co tap nghiém la

A. (0;+00) B. (1;3) C. (-3;1) D. (I;EJ
2 5
Ciau 32: Bat phuong trinh log,(3x—2) >log,(6—5x) co tap nghiém la (a;b). Tong a+b bang
A.§. B.ﬁ. C.é. D.E.
3 15 5 5

Ciu 33: C0 tat ca bao nhiéu s nguyén x thoa man bat phwong trinh log, [log2 (2 -x° )] >07?
2
A. V6 s0. B. 1. C.0. D.2.
Ciau 34: Tap nghiém S cia bat phuong trinh log, x* < log, (x+ 6) la
A. 8 =(-00;-2)U(3;+00). B. §=(-2;3).
C.S=(-32)\{0}.  D.S=(-2:3)\{0}.
Cau 35: Tap nghiém cua bat phuong trinh 2log, (x —l) <log, (5 —x) +1 la
A. [3;5] B. (1;3] C. [1;3] D. (1;5)
Cau 36: Tim tap nghiém S ctia bat phuong trinh 2log, (4x —3) <log, (l8x + 27).

A. S={—§;3}. B. S=(§;3] C. S=[§;+ooj. D. §=[3;+»).
8 4 4

Cau 37: Tép nghiém cua bat phuong trinh log3(2x)+log, % <9 chira tap hop nao sau day?

A G@ B, (0:3). c. (13). D. sz

Chu 38: Tap nghiém cua bat phuong trinh log, (x—1)+log, (11-2x)>0 la:

3
A. (—0;4]. B. (1;4]. C. (1,4). D. [4;2)
Cau 39: Tap nghiém cia bat phuong trinh log, (x—1)+log, (11-2x)>0 1a
3

A. (—o034] B. (1;4] C. (1;4) D. [4;%)

Cau 40: (Mi 123 2017) Tim tip nghiém S cua bat phuong trinh log; x—5log, x+42>0.

A. §S=(—o;1]U[4;+x) B. 5=[2;16]
C. 5=(0;2]U[16;+x) D. (-0;2]U[16;+x)
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Caudl: (Ma 105 2017) Tim tit ca céc gia tri thyc cua tham s6 m dé bat phuong trinh

log> x—2log, x+3m—2<0 c6 nghiém thuc.

A. m<1 B. m<1 C. m<0 D.m<§
Cau 42: Tap nghiém S cua bt phuong trinh log’ x—5log, x—6<0 1a
A s=|Lleal. B. S=(O;1]
2 2
C. 5 =[64;40). D. s:(o;ﬂu[m;m).

Cau 43: Bt phuong trinh log, (1og1 3x 3 } >0 ¢4 tap nghiém 1a (a;b]. Tinh gia tri P=3a—-b.
3 X+ : :

A. P=5. B. P=4. C. P=10. D. P=7.

Ciu 44: Tbdng cac nghiém nguyén cia bat phuong trinh logzﬁ x’—25log 7 x*=75<01a

A. 70. B. 64. C. 62. D. 66.
Ciu 45: Bt phuong trinh 3> —=7.3" +2 > 0 c6 tap nghiém la

A. (—0;-1)U(log, 3;+0). B. (=00;-2) U(log, 3;+0).

C. (—o0;-1)U(log, 2;+x). D. (—0;-2)U(log, 2;+).
Ciu 46: Tap nghiém cua bat phuong trinh 3**£94 31 —9.3> >0 13

A. (—o31). B. (3;+):. C. (L+). D. (—o0;3).
Ciu 47: Bit phuong trinh 6.4* —13.6%.£6.9° > 0 ¢6 tap nghiém 1a?

A. S:(—oo;—l)u[l;+oo). B. S:(—oo;—Z)u(l;+oo).

C.S= (—oo;—l)u(1;+oo). D. §= (—oo;—Z]u[2;+oo).
Ciu 48: Bt phuong trinh sau c6 bao nhiéu nghiém nguyén duong 9* —4.3" +3<0.

A. 3. B. 1. C.0. D. 2.
Gido vién: Hupnh Vin Anh — 42 Nguyén Cw Trinh — Thudn Hoa — TP Hué — DT: 0984164935 Page 140

Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tét Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2020 — PHAT TRIEN PE THAM KHAO 2021

TAI LIEU ON THI TOT NGHIEP THPT
DUA THEO CAU TRUC PE THAM KHAO NAM HQC 2020 — 2021

[ DANG TOAN 35: GOC VA KHOANG CACH TRONG KHONG GIAN THUAN TUY J

KIEN THU'C CAN NHO:
DANG 1. GOC CUA PUONG THANG VOI PUONG THANG
Dé tinh goc gitra hai duong thing d \»d, trong khong gian ta co thé thyc hién theo hai cach
Cich 1. Tim goc giita hai duong thang d,,d, bang cach chon mot diém O thich hop ( O thudng

nam trén mot trong hai dudng thing).

Tir O dung cac dudng thangd,,d, 1an lugt song song ( cd thé trong néu O nam trén mot trong hai
duong thang) v6i d, va d,. Géc giita hai duong thang d,,d, chinh 14 goc giita hai duong thang
d,,d,.

Luu y 1: Dé tinh goc nay ta thudng sir dang'dinh li cosin trong tam giac cos 4 = %.

Cich 2. Tim hai vec to chi phuong u,,u, ca hai dudng thing d,,d,

u.u,

Khi d6 goc giira hai duong thing d,,d, xac dinh bdi cos dl,d ‘ H

u2 ta chon ba vec to a,b Ekhong ddng phang ma co thé tinh duoc do

Luu ¥ 2: D& tinh u,u,,|u,|,

dai va goc gitra chiing,sau do biéu thi cac vec to uT,Z qua cac vec to ZZ,B,E 101 thuc hién céc
tinh toan.
DANG 2. GOC GIUA PUONG THANG VOI MAT PHANG
Goc giita duong thang d va mat phang (P) 1a goc gitta d va hinh chiéu cua no trén mit phang (P)
Goi « 1a goc giita d va mat phang (P) thi 0° < o <90°
Dau tién tim giao diém cua d va (P) goi la diém A.
Trén d chon diém B khéac A, dung BH vudng goc véi (P) tai H. Suy ra AH 14 hinh chiéu vudng goc cua d trén
mit phang (P).
Vay goc gitra d va (P) la goc BAH .
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Néu khi x4c dinh goc giita d va (P) kho qué ( khong chon duoc diém B dé dung BH vudng goc véi
(P)), thi ta str dung cong thirc sau day. Goi « la goc gitta d va (P) suy ra:
d(M,(P))
AM
Ta phai chon diém M trén d, ma c6 thé tinh khoang cach duoc dén mit phang (P). Con A 1a giao
diém cuia d va mat phang (P).

.sina =

Dé tim goc giira hai mat phang, dau tién tim giao tuyén ctiahai mat phing
Sau d6 tim hai dudng thing 1an lugt thudc hai mat phang cliing
vudng goc vai giao tuyén tai mot diém.

Goc giita hai mat phang 1a goc gitra hai duong-thang vira tim.
Nhing truwong hop dic biét dé hay ra:

Trwong hop 1: Hai tam giac can ACD ya BCD c6 chung canh day CD. B

Goi H trung diém cta CD, thi goc giita hai mat phang
(ACD) va (BCD) 1a goc AHB.

. Q
Truwong hop 2: Hai tam gidc ACD va BCD bang nhau ¢6 chung canh CD. #

Dung AH L CD = BH L CD.
Vay goc giita hai mit phing (ACD) va (BCD) la goc AHB.

D

Truwong hop 3: Khi xac dinh goc gitta hai mat phiang qua kho, B
d(4,(0))
d (A, a)

Véi ¢ la goc gitra hai mat phang (P) va miat phang (Q). A 1a mot diém thudc mat phing (Ef) vaala

ta nén st dung cong thirc sau: sing = i

giao tuyén cua hai mat phang (P) va (Q).

Truwong hop 4: C6 thé tim goc giita hai mit phang bang cong thic S'=S.cos@

Trudong hep 5: Tim hai dudng thang d va d' 1an luot vudéng géc véi miat phang (P) va mit phing
(Q). Goc gitra hai mit phang 13 goc giira d va d..

Truomg hep 6: CACH XAC PINH GOC GIUA MAT PHANG BEN VA MAT PHANG DAY
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Buéc 1: x4c dinh giao tuyén d cia mat bén va mit day.

Bude 2: tir hinh chiéu vudng goc ctia dinh, dung AH 1 d .

Budre 3: goc can tim 1a goc SHA .

Véi S 1a dinh, A 13 hinh chiéu vudng goc cta dinh trén mit day.

Vi du dién hinh: Cho hinh chép S.ABC c¢6 SA vuéng géc véi day (ABC). Hay xac dinh goc giita mat
bén (SBC) va mat day (ABC).

\.\\
Ta ¢6 BC la giao tuyén ciia mp (SBC) va (ABC). ‘\\\\\\\
Tir hinh chiéu ciia dinh la diém A, dung AH 1 BC. \ NN

BC 154 \ \ N
Vi = BC L (SAH)= BC L SH. Ay Sl

BC 1 AH s s

\\_\ Pn

Két ludn goc giita hai mdtphcfng (SBC) va (ABC) la goc SHA. \\‘}’,/

DANG 1: TINH KHOANG CACH TU HINH CHIEU VUONG GOC CUA PINH PEN MOT MAT
Phuong phép xéac dinh khoang cach tir hinh chiéu ctia dinh dén mét mat phang bén.
Budre 1: Xéc dinh giao tuyén d
Budre 2: Tir hinh chiéu vuong goc cua dinh, DUNG AH Ld( Hed).
Buée 3: Dung A7 L SH(I € SH) Khoang cach can tim/1a Al
Véi S 1a dinh, A 13 hinh chiéu vudng goc ctia.dinh trén mit day.
Vi du dién hinh: Cho hinh chép S.ABC ¢6 SA vuéng géc véi day (ABC). Hay xdc khodng cdch tir
diém A dén mat bén (SBC).
Ta c6 BC 1a giao tuyén ciia mp (SBC)'va(ABC).

Tir hinh chiéu cua dinh 12 diém A, .dung' 4H | BC tai H. Dung Al 1 SH tai I Fq 9
BC 154 \ YN
i = BC L (SAH )= (SBC) L(S4H).
{BCLAH (SAH == (SBC) L (SH) L \V\
. . . <
Mit phang (SBC) vudng goc véi mat phang (SAH) theo giao tuyeén SH Y \\ \;,"/
¢6 AT L SH nén Al Lmp(SBC)=> d(A,mp(SBC))= Al NS
DANG 2: TINH KHOANG CACH TU MQT PEM BAT KY PEN MOT MAT PHANG
Thuong st dung cong thiic sau:
d 4
d
L /0 &
M
d{M,mp(P
Cong thuc tinh ti 1€ khoang cach: ( p( )) = Mo
d(A,mp(P)) 40
O cong thirc trén can tinh khoang cach tir diém M dén mat phang (P).
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Ta c6 cac truong hgp sau day:
a) Gia stt ¢ va b 1a hai duong thing chéo nhau va a L b B a

- Ta dung mit phang (&) chita a va vudng goc véi b tai B. | g
- Trong (&) dung BA 1 a tai A, tadugc do dai doan AB la :
khoang cach giita hai dudng thang chéo nhau a va b .

b) Gia str ¢ va b 1a hai dudng thing chéo nhau nhung khéng vudng goc v6i nhau.
Cach 1: b M
- Ta dung mdt phang («) cht a va song song voi b . B

- Lay mot diém M tuy y trén b dung MM ' L () tai M'. s
- T M dung b/ /b cit a tai 4. P G
-Tu A dung AB//MM ' cat b tai B, d¢ dai doan AB la
khoang cach giira hai duong thang chéo nhau a va b .
Cach 2: . b
- Ta dung mat phéng (@)Llatai O, () Cit b tai I . AHR
- Dung hinh chiéu vuéng goc ctia b 1a ' trén (). b
- Trong mit phang (), v& OH L b', Heb'.

- Tur H dung duong thing song song v6i a cat b tai B.

-Tur B dung duong thing song song véi OH cit a fai A. ’
- D0 dai doan thing AB 1a khoang cach giira hai duong thang chéo nhau a va b .
DANG 3. KHOANG CACH CUA PUONG VOI MAT, MAT VOI MAT
O dang toan nay chiing ta déu quy vé dang toan 1
+Cho duong thang A va mit phing (&) song song v6i nhau. Khi d6 khodng céch tir mot diém

bat ki trén A dén mit phang (a) dugc goi 1a khoang cach gitta duong thang A va mit phang

().

M

A 7/

d(A(a))=d(M,(a)).MeA.

#Cho hai mit phang (a’) va ( ﬂ) song song v&i nhau, khoang cach tir mot diém bét ki trén mat

phang nay dén mit phan kia duoc goi 1a khoang cach gitta hai mit phang (a) va ( p )

L'/

d((@).(B))=d(M.(B))=d(N.(a)) .M &(a).N &(B).
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CAU 35 PTK2021 Cho hinh hop chit nhat 4BCD.A'B'C'D’ ¢ AB= AD =2va A4’ = 2+/2 (tham khéo
hinh bén). Géc gitra duong thang CA’ va mit phing (ABCD) bang

A ey
\

\

Y

A. 30°. B. 45°. C. 60°. D. 90°.

Chon B

Ta co: CA'N(ABCD)=C, A4’ L (ABCD)=(CA';(4BCD))= A'CA.

o / -
Xét tam gidc 44’ Cvudng tai Ataco: tan A'CA= Ad _ & =1= (CA/;(ABCD)) =45°,
AC 242

CAU 36_PTK2021 Cho hinh chop tir gidc déu S.ABCD, ¢4’ dd dai canh day bang 2 va do dai canh bén

bang 3 (tham khao hinh bén). Khoang céch tir S'dén mit phing (ABCD) bang

AANT. B. 1. D. 1.
Loi giai
Chon A
Goi O la giao diém cua AC va BD = SO L (ABCD).
= d (S;(4BCD))=S0.
Tacod: AC=2J2 =0C=+2.
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Xét tam gidc SOC vuéng tai O taco: SO=+SC? —0C? =+[3* —2 =7
= d(S;(ABCD))=A7.

Ciaul: (Pé Tham Khio 2018) Cho ti dién OABC c¢o
04, OB, OC 361 mot vuong goéc voi nhau va
04=0B=0C.Goi M latrung diém cia BC (tham khao
hinh v& bén duéi). Goc giita hai duong thing OM va AB

bang Y
A. 45° B. 90°
C. 30° D. 60°

Ciu2: Cho hinh hop chit nhat ABCD.A'B'C'D’, biét ddy ABCD 1 hinh vudng. Tinh gbc giita A'C va

BD.
B’ C’
A/, D/
T
A D
A. 90°. B. 30°. C. 60°. D. 45°.

Cau3: Cho tr dién ABCD c6 AB=CD=2a. GoiM , N lan luot 14 trung diém ADva BC. Biét
MN = a3 , gbc gitra hai duong thing 4B va CD bang.
A. 45°. B. 90°. C. 60°. D. 30°.

Ciu4: Cho hinh lap phuong ABCD.A'B'C'D'; goi M 1a trung diém cua B'C’. Goc giita hai duong
thang AM va BC' bang
A. 45°, B. 90°. C. 30°. D. 60°.

Cau5: Cho hinh lang try tam gidc déu ABC.A'B'C' ¢6 AB=a va AA' = V2a. Géc gitia hai duong
thang 4B’ va BC'bang

A C
B
Av il v S C'
B'
A. 60°. B. 45°. C. 90°. D. 30°.
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Cau 6:  Cho tir dién déu ABCD, M la trung diém cua canh BC. Khi d6 cos(A4B,DM ) bing

A2 B el p. .
2 6 2 2

Cau7: (DP&Minh Hoa 2020 Lan 1) Cho hinh chép S.ABCD c6
day 1a hinh vuong canh \/ga , SA vudng goc voi mat

phang day va SA = \/Ea. Goc gilta SC va mit phang
(ABCD) bang

A. 45, B. 60°.
C. 30°. D. 90°.

B ; C

Cau8: (D& Tham Khio 2020 Lin 2) Cho hinh chép S.ABC c6 SA. Vudng goc véi mit phang (A4BC),
SA = a2, tam giac ABC vudng can tai B va AC =2a(minh hoa nhir hinh bén). Goc giita duong
thing SB va mit phang (4BC) béing

S

A. 30°. B. 45°. C. 60°. D. 90°.
Ciau9: (M4 101 - 2020 Lan 1) Cho hinh chép S.4BC ¢6 day ABC 1a tam giac vudng tai B, AB=a,
BC =2a, SA vudng gbc véi mit phang day va SA = J15a (tham khao hinh bén).

N

B

Goc gitta duong thang SC va mat phang day bang
A. 45°. B. 30°. C. 60°. D. 90°.
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Cau10: (Ma 102 - 2020 Lan 1) Cho hinh chop S.ABC c6 day la tam giac vudng tai B,

AB =3a, BC = \/ga’ 54 vudng goc voi mit phang day va SA=2a (tham khao hinh v¢).
S
A C

Goc giita duong thang SC va mit phang day bang

A. 60°. B. 45°. C. 30°. D. 90°.

Cau11: (M4 101 — 2020 Lan 2) Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 AB=BC=a,AA' = x/ga
(tham khéo hinh dudi). Géc giita duong thang 4'C va mit phing (ABCD) bang:

4’ D’
|
\
|
. | \“ c
Iy
Iy
|
R e
7z N\
’ Ny
7 N
A
B C
A. 60°. B. 90°. C. 30°. D. 45°.

Cau 12: (Ma& 102 - 2020 Lan 2) Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 AB=a, AD=2\2a,
AA'=~3a (tham khao hinh bén). Goc gitta dudng thing 4'C va mit phing (4BCD) bing

A. 45, B. 90". C. 60". D. 30".
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Ciau 13: (M 103 - 2020 Lan 2) Cho hinh hop chit nhat ABCD.A'B'C'D’,c6 AB=AA' =a, AD = a2
(tham khao hinh v&). Géc gitta duong thang A'C va mit phang (ABCD) bang

A’ D

C

A. 30°. B. 45°. C. 90°. D. 60°.

Cau 14: (Ma 103 2018) Cho hinh chop S.ABC c¢6 day la tam giac vudng tai C, AC=a, BC= J2a ,
SA vubng goc voi mit phing day va S4 = a. Goc gitta duong thing SB va mit phang ddy bang

A. 60° B. 90° C. 30° D. 45°
Cau 15: (Ma 102 - 2019) Cho hinh chép S.ABC c6 SA vudng goc voi mat S

phang (ABC ), SA=2a, tam giac ABC vudng tai B, AB=a va AN

| N\

\ N\
BC =+[3a (minh hoa nhu hinh v& bén). |\

\\ \\\\

Goc gitra duong thang SC va mat phang (ABC ) bang ‘\\ N N
A. 30°. B. 60°. N S o>
C. 45°. D. 90°. AN —

Céu 16:  Cho khdi chop S.ABC co SA J_(ABC), tam giac ABC vuong tai B
, AC=2a, BC=a, SB= 2a+/3 . Tiih goc giita SA va mit phang (SBC).
A. 45°, B. 30°. C. 60°. D. 90°.
Cau 17: (Ma 102 - 2018) Cho hinh chép S.ABCD c6 day la hinh vuéng canh a, S4 vudng gdc vai mat

phing day va SA = V24 . Gée giita duong thang SC va mit phang day bang
A. 45° B. 60° C. 30° D. 90°

Cau 18: (Ma 101 - 2018) Cho hinh chop S.ABCD c6 day la hinh vuéng canh a, S4 vudng gdc vai mat
phang day va SB =2a. Géc giita duong thing SB va mit phang day bang
A. 45° B. 60° C. 90° D. 30°

Cau 19: (M 101 - 2019) Cho hinh chép S.ABC c¢6 SA vudng goc voi mit phang (ABC) , SA=2a,tam
giac ABC vuong tai B, AB= a3 va BC=a (minh hoa nhu hinh v& bén). Goc gitta duong
thang SC va mit phang (ABC) bang:

S
A C
B
A. 45°. B. 30°. C. 60°. D. 90°.
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Cau20: Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh vudng canh a va SA L (ABCD). Biét

S4 =

6 .
a3 . Tinh goc gitta SC va (ABCD).
A. 30° B. 60° C. 75° D. 45°

a3

Céu 21: Cho hinh chép S.4BC c6 SA vudng goc voi mat phang (ABC ), SA = — tam giac ABC déu
canh bang a (minh hoa nhu hinh dudi). Géc tao béi giita mit phang (SBC) va (ABC) bing

S

B

A. 90°. B. 30°. C. 45°. D. 60°.

Cau 22: Cho hinh chop S.4BCD .c6“day, ABCD 1la hinh chi nhit, A4B=a, AD=SA4=2a,
SA4 L (ABCD). Tinh tang-¢ta goc giita hai mat phang (SBD) va (ABCD).

NEES B. 5. L. b. L.
2 5 J5
Cau 23: (Mi 102 - 2020 Lan 1) Cho lang try dimg ABC.A'B'C’ ¢6 ddy ABC la tam giac déu canh «
va AA'=2a.Goi M la trung diém cta CC’ (tham khao hinh bén). Khoang cach tir M dén mat
phang (A'BC) bang

A - C'
3 !
M
AK-- C
NG g, 250 c. B>7e. p. Y74
5 5 19 19
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

(M 103 - 2020 Lan 1) Cho hinh ling tru ding ABC.A'B'C' c6 day 4’ B
ABC 1a tam giac déu canh a va A'A=2a. Goi M 1a trung diém f
ciia A'A (tham khao hinh v& bén). Khoang cach tr M dén mit

phang (A4B'C) béng M

J5Ta o fa

9 s A\ """""" B
2354 23574

C. . D. .
5 19 ¢

(Ma 101 2018) Cho hinh chop S.4ABC c¢6 day la tam giac vuong dinh B, AB=a, SA vuong
gdc voi mit phang day va S4 =2a . Khoang cach tir 4 dén mit phang (SBC ) bang

254 s 22a o Ba
5 .

7
-
.
! .

.

.
.
B

.

A.

C.

A. .
3 3 5

(Ma 102 2018) Cho hinh chop S.ABC c¢o6 day la tam giac vudng dinh B, 4B=a, SA vudng
gbc voi mat phang day va S4 = a . Khoang cach tir diém 4.dén mat phang (SBC ) bang

aN6 ax/_
3

2 c.Z D. a
2 2

(Ma 103 - 2019) Cho hinh chop S.ABCD cé'day l1a hinh vudng
canh a, mit bén SAB 1a tam giac déu va nam'trong mit phang
vudng goc voi mit phang day (minh hoa nhu hinh v& bén). Khoang
cach tir D dén mit phang (SAC)bang

o2 21

A. . B.
2

7
av21 av21

C. . D.
14 28

(M3 101 -2019) Cho hinh chép S.ABCD c¢6 day 1a hinh vudng canh @, mat bén SAB la tam
gidc déu va nim trong mit phang vudng goc véi mit phang day (minh hoa nhu hinh vé& bén).
Khoang cach tir 4 dén mit phang (SBD) bing

A. B.

S

V21a

14

D. \/ia.

A.
28
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Cau29: (P& Tham Khio 2019) Cho hinh chép S.4BCD c6 day 14 hinh thoi canh @, BAD =60°,
SA=a va SA vuéng goc véi mit phang ddy. Khoang cach tit B dén (SCD) bang?

A Y2 p, Y15a c. Y2la. p. Y15
3 3 7 7
Ciu 30: Cho tir dién déu ABCD c6 canh bang a . Tinh khoang cach tir 4 dén mit phang (BCD).
A 96 B, Y6 c. 3. D. 2a.
2 3 2

Cau31: Cho hinh chop SABCD c6 S4 L(ABCD), ddy ABCDla hinh chit nhat. Biét 4D =2a SA=a
. Khoéang cach tir 4 dén (SCD) bang:

3a 3a\/§ 2a 2a\/§

A, — B. C. = D.

J7 2 J5 3

Cau 32: Cho hinh chop S.4ABC c6 day la tam giac vuong tai 4, AB=a, AC = a3, S4 vuong goc voi
mit phing day va SA = 2a . Khoang cach tir diém 4 dén mitphing (SBC) bang:

a 57 2a-/57 203 2a/38

A. B. C. D.
19 19 19 19

Céu 33: Cho hinh chép tir gidc déu S.ABCD c6 canh'day bang a va chiéu cao bang a~2 . Tinh khoang
cach d tirtam O cua ddy ABCD dén mot mat bén theo a.
a2

A.d:za\/g. B.d=%3, C.a=2 D. d= .
3 2 2 3

Cau 34: Cho khéi chép S-ABCD ¢g'day ABCD 14 hinh vuéng canh 4, S4 L (ABCD) va SA= G\E.
Goi M 1a trung diém canh S€ . Khoang cach tir diém M dén mit phing (SBD) bang

a2 B a10 c a 10
4 " 10 ) 5

A. D.

2
2
Cau 35: Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai 4, AB=a, AC= a3 ; S4 vudng

goc véi day, SA = 2a . Khoang cach tir diém 4 dén mit phing (SBC) bang

2a\/§ a\/g a\/g 2a\/§
A. N B.T. C.ﬁ. D. N

Ciu 36: (P& Tham Khao 2018) Cho 1ap phuong ABCD.A'B'C'D’ c6 canh bang a ( tham khao hinh vé
bén ).Khoang cach giira hai duong thang BD va A'C’ bang

A4 D
A. V3a B. V24 ' c
2 B |
|
C. \3a D. a '
NG : _ J{) N
T =<
Cl
BI
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Ciu 37: (P& Tham Khio 2020 Lan 2) Cho hinh chép S.4BC c6 day la tam giac vuong tai 4, AB=2a
, AC =4a, S4 vudng goc véi mat phang day va S4 =a (hinh minh hoa). Goi M 1a trung diém

ciia AB . Khoang céach giira hai duong thang SM va BC bang
S

A.

6 3
2, B. 12 ¢ Y3 D. L.

3 3 3 2

Ciu 38: (Mai 101 — 2020 Lan 2) Cho hinh chép S.4BC c¢6 day ABC la tam giac vudng can tai A .

AB=a, SA vudng goc voi mit phang day va S4=a\/§ . Goi M 1a trung diém ciia BC (tham
khao hinh bén). Khoang cach giita hai duong thang 4C va SM bang

s

2 V39 21
a\/_. B. 2 c. L. D. aJ_.
2 13 2 7
Cau 39: (Ma 101 - 2018) Cho hinh chép S.ABCD c6 day la inh chit nhat, 4B = a,BC = 2a, S4 vudng
goc voi mit phang day va SA4 = a. Khoang cach giita hai duong thang AC va SB bang
Jéa B. 2% c & D.
2 3 2 3

A.

A.

Ciu 40: Cho hinh chép S.ABC, c6 SA=SB=SC, day la tam giac déu canh @ Biét thé tich khdi chop

3

. a3 . .
S.ABC bang . Khoang cach gitra hai duong thang S4 va BC bang:

A da B. 3W13a c. %4 D. a3
7 13 7 4

Gido vién: Huynh Vin A'n7h — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 153
Chuyén luyén thi: Tuyén sinh vao lop 10 TP. Hué — Tot Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2020 — PHAT TRIEN PE THAM KHAO 2021

Cau41: (Ma 102 2018) Cho hinh chop S.ABCD c¢6 day 1a hinh chit nhat, 4AB=a, BC=2a, S4 vudng
goc voi mit phang day va S4 = a . Khoang cach giita hai duong thang BD, SC bang

4\/5(1 2@(1 ax/% ax/%

B. C. D

A. .
21 21 12 6

Cau 42: Cho hinh chép S.ABCD c6 SA L(ABCD), ddy ABCD la hinh chir nhat véi AC = a5 va
BC =a~2 . Tinh khoéang cach gitra SD va BC.

A. “*/g. B. a\3. c. 22 D. 3%
2 3 4

Cau 43: Cho hinh chép S.ABCD cé day la hinh thang vudng tai 4 va D, SD vudng goc vdi mat day
(ABCD),AD =2a, SD = a~2 . Tinh khoang céch giira duong thing CD va mit phing (S4B)

a 2a
A —. B. a2. c. =, p, 23
V2 V3 2
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{ DANG TOAN 39: GIA TRI LON NHAT — GIA TRI NHO NHAT HAM AN - HAM HOQP J

CAU 39 PTK2021 Cho ham s6 f (x) ,dothihamsb y=f '(x) la duong cong trong hinh v€ bén dudi.

Y

/ -3 0
Gi4 trj 16n nhat cia ham s6 g(x)= f(2x)—4x trén doan{ % Jbéng
A. £(0). B. f(-3)+6. Cl f(2)-4. D. f(4)-8.
Lo gisi
Chon C

Dao ham g'(x)=2/"(2x)-

[ a3 3
X=—<-—=¢|—=:2
2 2 2 }
2x=a<-3 3
S =0 x=0¢e —5;2
X =
"x)=0<= f'(2x)=2 < =
g(1)=0e 12026 :
x=1le|—=;2
2x=b>4 2
x=é>2é[—é,2}
Bang bién thién
e |3 0 | 5
2
q'(x) + 0 + 0 -

Duya vao bang bién thién suy ra maxg( )=g(1)=r(2)-4

3
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Caul: Chohamsé y= f(x) xéac dinh va lién tuc trén R, d6 thi cia ham sb y = f'(x) nhu hinh vé.
y
-1 o \1 2/ =
[ \/
Gi4 tri 16n nhat cia ham s6 y = f (x) trén doan [—1;2] la
A. f(1). B. f(-1). C. f(2). D. f(0).

Cau2: Chohamsd y= f(x) c6 dao ham 1a ham f'(x). DO thi ciia ham s6 y = f”(x) duogc cho nhu
hinh v&. Biét ring £ (0)+ f(3)=f(2)+ f(5). Gié tri nho nhat, gié tri 16n nhét cia y = f(x)
trén doan [0;5] lan luot 1a:

y y=f()
0 2 5
X
A. 1(2); f(5). 7(0)5.£(5). C. 1(2); f(0). D. /(1); f(5).

Cau3: Chohamsé f(x) c6 daohamla f'(x). Do thi cia ham s6 y = f'(x) duoc cho nhu hinh v&
bén. Biét rang £ (0)+ £ (1)-2/(3)=f(5)- f(4). Tim gia tri nho nhét m va gié tri 16n nhét
M cia f(x) trén doan [0;5].

4y
0 /\3\—/5”/515
A.m=f(5),M=f(3)B.m=f(5),M = f(1)
C.m=f(0),M=f(3)D.m=f(1),M = f(3)
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Ciu4: Chohamsd y=f (x) c6 bang bién thién nhu hinh dudi day. Tim gia tri 16n nhat ctia ham sb

g(x)Zf(4x—x2)+%x3 -3x° +8x+% trén doan [1;3].

Cau5: Chohamsb y=f(x) c6 dao ham cép hai trén R. Biét f"(0)=3, f'(2)=-2018 va bang xét

déu cua /" (x) nhu sau:

J,.:r{‘!_] ‘ s ] - 0
Ham s6 y = f(x+2017)+2018x dat gia tri nho nhét tai diém x, thudc khoang nao sau day?
A. (—0;-2017) B. (2017;+) C.(0;2) D. (-2017;0)

Cau6: Chohamsd f(x) c6 dao ham 1a f’(x)=D4 thi cia ham sé y = f'(x) dugc cho nhu hinh v&
dudi day:

Biétrang f(~1)+f(0)< f(1)+ f(2). Gié tri nho nhat va gié tri 16n nhét cia ham s6 y = f(x)

trén doan [—1;2] lan luot 1a:

A £ (1) £(2). B. £(2); £(0).  C.£(0); f(2).  D.f(1); f(-1).
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. 7 ) .
Cau7: Chohamso y=f(x) lién tuc trén doan [0;5} c6 d6 thi ham s6 y = f"'(x) nhu hinh v&.

.‘.

(O IO ) S ———

T\

Ham s6 y = f(x) dat gi4 tri nho nhat trén doan [0;5} tai diém X, nao dudi day?

A. x,=0. B. x():%. C. x,=1. D. x,=3.

Cau8: Chohamsd y= f(x).D0d thi ham y = f'(x) nhu hinh v&

bit h(x)=3f(x)—x" +3%.Tim ménh d ding trong cic ménh d¢ sau:

A. maxh(x)=3f(l). B. max /(x) :3f(—\/§).

[—3:43] [—/3:43]
C. maxh(x) =3/ (¥/3). D. maxh(x)=3/(0).
[—3:3] [-V3:43]

Cau9: Cho ham sb y=f(x) co dd  thi y=f'(x) & hinh v& bén. Xé ham s6

g(x):f(x)——x —%xz +%x+2018, ménh dé nao duéi day dung?

3 | 1~ =
I -|-2
: _ . B g(—3)+g(l)
A. ming (x)=g(-1) B. min g (x)= £
C. ming(x)=g(-3) D. ming(x)=g(1)
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Cau10: Chohamsd y= f(x) c6 dao ham lién tuc trén R. Haimsé y = f'(x) ¢ d6 thi nhu hinh sau:
Y
y = f'(z)
1/ N\ i e
Cho bdn ménh dé sau:
1) Haim s y = f(x)c6 hai cuc tri
2) Ham s6 y = f(x) ddng bién trén khoang (1;+0)
3) f(1)>£(2)> f(4).
4) Trén doan [-1;4], gié tri 16n nhédt cia ham s y = f(x) la f(1).
S6 ménh dé ding trong bén ménh dé trén la:
A. 3. B. 1. C. 4. D. 2.
Cau 11: Cho ham s6 y= f(x) c6 bang bién thién nhu hinh dudi day. Tim gia tri 16n nhat ctia ham s6
g(x):f(4x—x2)+éx3 -3y’ +8x+§ trén doan [1;3].
x | —m 0 4 +x
Y - 0 + 0 -
+m 5
y
\ B / \_m
AZ B. 15. c. D. 12
3 3
Cau12: Chohamsé y= f(x).Hamsé y = f"(x) c6 bang bién thién nhw hinh v& bén. Gia tri 16n nhit
ctia ham s6 g(x) = f(Zx) —sin® x trén doan [—1;1] la
x| - -2 -1 0 1 2 +w
f(x) / \ /
A f(-1). B. £(0). c. £(2). p. £(1).
Cau 13: Chohamsd y= f(x) lién tuc trén R sao cho r[nlaz)]if(x) =3. Xét ham s g(x) = f(3x—1)+m
. Tim tit ca cac gia tri cia tham sb m dé max g(x)=-10.
A. 13. B. -7. C. -13. D. -1.
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Cau 14: Cho hamsé y = f(x) c6 dao ham cdp 2 trén R, ham s6 y = f'(x) ¢6 dd thi nhu hinh v& bén.

Yy

Gi4 tri 16n nhat cuia ham sé y = f (W} trén doan [—%,%} béng

A. f(—%). B. £(0). C. f(—%”j. D. f(%).

Cau 15: Cho ham sb f (x) lién tuc trén R, c6 dd thi nhu hinh vé

co gia tri
x +1

; A . . . 8x
Co tat ca bao nhiéu gia tri nguyén cta tham so m dé ham so y = ‘ f ( > +m—1

16n nhat khong vuot qua 2020 ?
A. 4029. B. 4035. C. 4031. D. 4041.

Cau16: Chohamsb y= f(x) lién tuc trén R va c6 dd thi nhu hinh v& bén. Goi M, m 1an lugt la GTLN

— GTNN ctia ham s6 g(x) = f[2(sin4 x+cos’ x)]

s

Téng M +m bing

A. 3. B. 5. C. 4. D. 6.
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Cau 17: Chohamsé y = f(x) lién tuc trén R va c6 d6 thi nhu hinh v&.
v
B
!
| 1
TR R
Ve
-_ 1
L]
r A A _ 3 3 S _
Xét ham so g(x)—f(2x +x—1)+m. Tim m dé rf(l)%]xg(x)——m.
A.m=3. B. m=-12. C. m=-13. D. m=6.
Chu 18: Cho hamsé y = f(x) lién tuc trén [~2;4] va c6 bang bién thién nhu sau
. -2 -1 1 4
£'(x) + 0 - 0 +
3 1
fx / \ /
(x) . .
Goi M, m lan lugt 14 gié trj 16n nhét, gi4 tri nho nht'ciia ham s6 g (x) = f (cos 2x—4sin’ x +3).
Gia tri cia M —m bang
A. 4. B. 4. C.2. D. 1.
Cau19: Chohamsd y = f(x) lién tuc trén R va c6 bang bién thién nhu sau
X -0 -1 2 +0
[ - 0 + 0 -
f +o0
\ / 4
) \
—0
Goi M 1a gia tri 16n nhat cia ham s6 y = g(x)=f(3-x) trén [0;3]. Ménh d¢ nao sau day
dang?
A. M =f(0). B. M = f(3). C.M=f(1). D. M =f(2).
Cau 20: Cho ham s y = f(x) xac dinh, lién tuc trén R va c6 do thi nhu hinh v&.
Goi GTLN, GTNN tuong tmg 14 M va mcia ham s6 \ ,
y=f(3—4 6x—9x2).KhidéT:M+mbéng :
A. -4. B.2.
C. 6. D. -2. T L
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Cau21: Chohamsé y= f(x) lién tuc trén (—o0;+00) va c6 dd thi nhu hinh v&

Goi m, M lan lugt 12 gia tri nho nhét, gia tri 16m nhét cua ham s y=f (‘x3 —3x+ 1‘) trén doan
[—2;0]. Tinh M +m.

A M+m=-2. B.M+m=—%. C.M+m=—%. D.M+m=0.

Céu22: Cho ham sé f(x) lién tuc trén doan [—1;3] va c6 db thinhu hinh v& bén dudi. Gia

tri 16n nhat ctia ham s y = f(3|cos x| —1) bang

|
=]

A. 0. B. 1.

D. 2.
Ciu 23: Chohamsd f (x) lién tuc trén doan [—3; 5] va ¢ d6 thi nhu hinh vé& bén duéi.

Yy
|5 SEEEEEEEE °
R .
” *2
—3-2 1 i 5
H -1 |0 2 3 v r
I ®
@emememmnaanaa. -2

Gia tri nho nhat cia ham s6 y = f (|3 cos x +4sin x|-2) bang
A. 0. B. 1.

C. 3. D. 2.
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Cau24: Chohamsd y = f(x) liéntuc trén R va c6 d6 thi ham sb dao ham

y= f’(x) nhu hinh vé.

flx)

1, 3, 3

Xét ham s6 g(x)=f(x)—§x —Zx2+5x+2019.Ménhdénéo

dudi day dung? ) 1 /\

A. ming(x)=g(-3). B.ming(x)=g(1). o
g(3)+e(1) -

C. g{ﬂg(x)=g(—l). D. ming(x)=

2

Cau25: Chohamsd y=/f(x),hamsé /"(x) c6 dd thi nhu hinh v&
)

4

Gid trj nho nhat ciia ham s g (x)= %f(2x -1) +%(2x - 1)2 —4x trén khoang {O;%} bang

_70
19

11

A I+ .%f(4)—;. c. Lro)-2. D.27(2)

U

ra
= — —ues
e
o

y=f(a)

Trén doan [-4;3], ham sO g(x)=2/(x)+(1- )c)2 dat gi4 tri nho nhét tai diém
A. x,=-3. B. x,=-4. C. x,=-1. D. x,=3.
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Cau 28:

Cau 29:
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Cho ham s6 y = f(x) lién tyc trén R. DS thi cia ham sb

» = f'(x) nhu hinh v& duei day. /y /
Xét ham sé g(x)=21(x)—(x+ 1)2 . Ménh dé nao sau day / \ 4 /
la ding? 2 A /
A. {mng( x)=g(1). _3,:/ ,

: O] 1 3 X
By e(0) (1) [0
C. maxg(x):g(3) : / i

[-3:3]
D. Khong ton tai gia tri nho nhat cia ham s g(x) trén [—3 ; 3] .

Cho ham s y= f (x) ¢6 dao ham va lién tuc trén R . Biét rang do thi ham s6 y=f '(x) nhu
dudi day.

] 0.1 2
i
-2

Xét ham sb g(x) f (x) x* —x. Ménh d nao sau day ding?
cg(-1)>g(1)>g(2). B. g(-1)>g(2)>g(1).

C. g(1)>g( )>g l) D. g(1)>g(2)>g(—l).

Cho hams6 y = f(x) lién'tuc trén R . Biét rang ham s6 y = f‘(x) ¢6 d6 thi nhu hinh v& bén.

Xét ham s y = g(x) théa man g(x) = f(x)—?+x2 — X+ 2. Hoi ménh dé nao sau day la

dang?
A. max g(x)=g(1). B. max g(x)=g(2).
[0; 2] [0; 2]
C. max g(x)=g(0). D. maxg(x)=M.
[0:2] [0:2] 2
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DANG TOAN 40: TIM SO PIEM, CAP PIEM THOA MAN BIEU THUC CHUA MU —

LOGARIT - VD -VDC

CAU 40_DPTK2021 C6 bao nhiéu s6 nguyén duong y sao cho tmg véi mdi y c6 khéng qua 10 sé nguyén x

Cau 1:

Caus:

thoa man (2" —\/5)(2)“ ~7)<0?

A. 1024, B. 2047 . C. 1022. D. 1023.
Loi giai
Chon A )
2X+l_\/§<0
2" —y>0 (1)
Ta c6 (2x+1—ﬁ)(2X—y)<o 4
2x+1_\/§>0
(17)
| (2°-y<0

272 <0 x+1<l x<—l 1 1
= 2 & 2 ©log,y<x<——=>y<2?=
2—y>0 2

+ Xét hé (1):{
x>log, y x>log, y

2
Trudng hop nay loai vi khong ¢ s6 nguyén duong y théoa man.
1 1
2 —\2>0 +1>— >
+Xéthé(l]):{x 2 = * 2 & % 2 <:>—l<x<log2y.
2 -y<0 x<log, y x<log, y
Pé mdi gid tri y, bat phuong trinh c6 khong qua 10 nghiém nguyén x thi
log, y<10 < y <2 < y<1024.
Két hop diéu kién y nguyén duong) suy ra co 1024 sé y théa man bai toan.

C6 bao nhiéu cip sd nguyén (x;y) thoa man 0< y <2020 va 3" +3x-6=9y+log, y’?
A. 9. B. 7. C. 8. D. 2019.

C6 bao nhiéu cap sb nguyén duong (x; ) thoa man 0<x <2020 va 3" (x+1)=27"y.
A. 2020. B. 673. C. 672. D. 2019.

, . — ¥
Co bao nhiéu cip s6 nguyén %) thoa man 0<x <2020 va 108 (23 +2)+x=3y+8",

A. 2021. B. 2020. C. 3. D. 4.

Tim gia tri 16n nhdt P cua biéu thic P=-3x>+)’+2x—y+1. Biét x,yeR thoa min
2

log, 2 0 )2 s dxt y+d=0.
yo—y+l1

A. P, =12. B. P, =13. C.P, =14. D. P, =10.

Cho hai sb thuc x, y théa man:

2
10gﬁ (y2 +8y+16)+10g2 [(5—x)(1+x)] =2log, SHdxox

+log, (2y+8)2.

Goi S 1a tip cac gia tri nguyén cua tham sb m dé gia tri 16n nhét cta biéu thirc P = ‘w/ X'+t - m‘

khong vuot qua 10. Hoéi S c6 bao nhiéu tap con khong phai 1a tap rong?
A. 2047. B. 16383. C. 16384. D. 32.

Gido vién: Huynh Vin A'i}h — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hué — PT: 0984164935 Page 165
Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tot Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021
Cau 6:  C6 bao nhiéu s nguyén x sao cho ton tai s6 thuc y théa man log, (x + y) = log, (x2 +y° )?
A.3. B.2. C.1. D. Vo s6

Cau7: Cho 0<x<2020 va log,(2x+2)+x—3y =8". Co bao nhiéu cip sd (x;y) nguyén théa man cic

diéu kién trén?

A. 2019. B. 2018. C. 1 D. 4.

Cau8: Xét cac s6 thyc duong x,y théa min log, x+_3))}c 5 =3xy+x+3y—4. Tim gia tri nhé nhat P coa
P=x+y.
A. P, = 4*/53_4 . B.P = 4*/?4 . CP = 4*/§9+4 . D.P, = 4€_4 .

Cau9: C6bao nhiéu sd nguyén y dé ton tai sb thuc x théa man log; (x+2y)=log, (x2 +y? ) ?
A. 3. B. 2. C. 1l D. v sb.
Cau 10: C6 bao nhiéu gia tri nguyén duong cia ¢ dé ton tai cac sd thuc a,bh>1 thoa min

log, a =log,, b =log,, 5b7_a‘
¢

A. 4. B. 5. C.2. D. 3.
a A TA b4 A A Py ~ \ 2X_1 X
Cau 11: Co6 bao nhiéu cadp s6 nguyén (x;y) théa man 0 <9 <2020 va log, =y+1-2"7
A. 2019. B. 11. C. 2020. D. 4.

Cau 12: C6 bao nhiéu gia tri nguyén..cua tham s6 m dé ton tai cip sb (x; y) thoa man
e —e" ! =1-2x -2y, dongthdi théa man log] (3x+2y—1)—(m+6)log, x+m’>+9=0?
A. 6. B. 5. C. 8. D. 7.

Cau 13: (PE MINH HQA LAN 2-2020) C6 bao nhiéu s6 nguyén x sao cho ton tai so thuc y théa min
log, (x+ y)=log, (x2 -|—y2)
A 3. B.2. C. 1. D. V6 s0.

Caiu 14: Tim tap S tt ca cac gia tri thuc cta tham s6 m dé ton tai duy nhat cdp ) (x; y) théa man
log. ., (4x+d4y—6+m’)>1va x’+y"+2x—4y+1=0.
A. S={-5-11;5}. B. §={-1;1}.
C. S={-5;5}. D. S ={-7-5-1;1;5,7}.

Cau 15: C6 bao nhiéu cip sd nguyén x;y théamin 0<x <2020 va log, (512x+768)+2x—1=2y+16"?
A. 2019 B. 0 C. 2020 D. 1

2
Caul6: C6 bao nhitu cip s6 nguyén (x;y) théa  man: 2016y2”‘2:x2+—2017;
v +2017
3log,(x+2y+6)=2log,(x+y+2)+1

A. 2 B. 1 C.3 D. 0
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Caul7:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021
Xét cac s thue x, h% (x > O) théa man
2018 +2018"" + x+1=20187"" +;—y(x+3) :

2018
Goi m 1a gia tri nho nhat cua biéu thirc T = x+2y. Ménh d& nao sau dy ding?

A. me(0;1). B. me(1;2). C. me(2:3). D. me(-1;0).

C6 bao nhiéu sé nguyén x sao cho ton tai s6 thuc y thoa min 23 = 3w g
Al B.2. C.0. D. V5 s0.

C6 bao nhiéu s nguyén y dé ton tai so thyc x théa man log, (x+2y) =log, (x2 + yz) ?

A. 3. B. 2. C. 1. D. v6 sb.

C6 bao nhiéu cdp sb nguyén (x, y) théa man logf#:x(x—3)+y(y—3)+xy.
X+ +xy+2

A. 1. B. 2. C. 4. D. 6.

Cho 0<x<2020 va log,(2x+2)+x—-3y=8".Cb bao nhiéu edp $b (x;y) nguyén théa man cac
diéu kién trén?

A.2019. B. 2018. C. 1. D. 4.

C6 bao nhiéu cgp sb nguyén (x;y) théa man 3" =x=27" —% va 0<y<101.

A. 102. B. 101. C. 34. D. 33.
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ANG TOAN 41: TICH PHAN HAM CHO BOI NHIEU CONG THUC - TICH PHAN HAM AN
— TiCH PHAN VD - VDC

T

*-1 khix > 2 z .
* =2 Tich phan ~|‘f(2 sinx +1)cos xdx bang:
0

CAU 41_PTK2021 Cho ham s6 f(x)=
x*=2x+3 khix<?2

A B B. 2. cZ p. 7
3 6 6 3
Loi gii
Chon B

3
Xét I:jf(Zsinx+l)cosxdx
0

biat 2sinx+1=¢ = 2cosxdx=dt = cosxdxz%dt
Voi x=0=1=1

x=£3t=3
2

= 1:if(t)%dt:—if(t)dt:g[(ﬁ —2t+3)dt+%j.(t2 ~1)dr

2 1(F
| ——t
1 203

2x khix<0
a(x—xz) khix>0

3 23

286

Caul: Chosbthuc avahamsd f(x) :{ . Tich phan [ = J.lf(lnx)dxbéng
1x

2a a 2a

ALy B. =241, c. 241 D. =21,
6 3 6 3
. ‘ 1 khix <0 f .
Cau2: Cho sothyc mvahamso f(x)= © 1x . Tich phan Izjsinx.f(cosx)dxbéng
3mx® +2x khix >0 5
A m—l+L2 B m+l+—2 C m+l—L2 m—l—%
2 2e 2 2e 2 2e 2 2e
. 3x*  khi 0<x<1 e
Cau3d: Chohamsoy= f(x)= . Tinh tich phan 7 = | " f(2¢" -2)dx.
Y=/ {4—)6 khi1<x<2 P ;‘; A )
AL B. .. c.2. D.>.
2 4 4 4
16362—8x+2khix>l = %o 2
. - Z ¢ 1
Caud: Chohamsé f(x)= 1 4 Tinh 1 = Isianf(sinzx)dx+Ide
2x khi 0<x < = e 7
A. 1=3(e-1). B. I=3(e+1). c.1=20 p. =10
371 450
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Cau 7:

Cau 9:

Cau 10:

Cau 11:

TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

dx+m, x=1 . £ 10 A n A % n
Chohamsé y= f ( ) 75 : la ham s6 lién tuc trén R . Tim s0 cac udc sO nguyén duong
x, x<
3
cua [ = I tanx dx+4jxf
cos X
A.12. B. 6. C. 16. D. 20.
, 3x° +1 (xSO i
Cho hamso y= f(x) = Tlmadelz_[ f(x)dx=1
ax’ +1 (xZO) !
A.a=3. B.a=-4. C.a=5. D. a=-6.

2x* +3 v6i x>1
6-x voix<l’

ﬁxf(ﬁ) 5

Cho ham s6 y = f(x)= {

2
Tinh [ =3 | ————+.dx+2| f(1-sinx).cosx.dx
0 \/)C2+4 E‘)‘ ( )
A.ﬂ. B.E. C. 58. D. 57.
3 2

2x"+x V6l x2>1

Cho ham sb y = f() {x+2 véix<1

4 1
Khido /= M.dx +2[ xf (1-aJdx thudc khodng nao ?
X 0

A. (4;5). B. (5;6). C. (7;8). D. (6;7).

¥ +xkhix>1 _ ¢ f(Inx) '
Cho ham s y = f(x)= 3 khir<l . Tinh I—J. . dx+£f(2x+1)dx
A X7 B. % c. 2L p. 2
6 3 6 6

1 e
. Tinh tich phan I = jf(x)dx+jlf(x)dx.
’ X

1

e —e khix<l1

Cho ham sb y = f() {lnx Khix>1

Al 2€2+€—2‘ B. ez+e—2. C. —Ze2+e—2‘ D. €2+€‘
e 2e 2e 2e
- s . (%) sinx+cosx—1 khix<0 Tinh dch
0 am sO =f(x)= . in ic
7 X khix>0
0
1+3\/;
I=|r f(2=+x)dx
2
AB_T B. .~ c. 3B p. 23
20 2 2 20 20

phan
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, 2x—1,khix<2 3 L
CAu12: Chohamsé f(x)=1", 77 Gia trj ciia tich phan 1 = If(\/x2+1)xdx+jf(2x+3)dx
x" =1, khix>2 0 0
bang
A. 1:2. B. 1:2. C. jzﬂ. D. 1:2.
3 2 3 2
x'—2x+2 . n4
Cau13: Chohamsb f(x)={ x-4 khix <3 . Gia tri cua tich phan J = jf m¢7g£+'[f
_4x+7, khi x >3 Tom
bang
AJJ=§+3m§. B.J=—§+3m§. C.J=—§+3m£. D.J=§+3mi.
27 2 4 2 3 2 3
x*—1 khi x<1

f(x)lién tuc tai x=1. Tinh tong m+7 biét

Caul4: Cho ham sb f(x)= _ ,
x+m khix>1

A.E. B.4—7. C.3—7. D.ﬁ.
6 6 6 6
: ? —4 khi x>2 2 1
Cau 15: Chohamso y= f(x) = x .1x .Tinh I:J.f(Zsinx).cosxdx+jf(2+x)dx.
2—x khix<2 0 0
Al B. 1. c.l p. L.
3 3 3

R L sinx néu x>0 4
Cau 16: Chohamso y= f(x)= e e 0 . Khi d6 If sin x cosxdx+J.
—4x néu x<

6

bang
AL B. 0. c.l D. _;
2
, 3x—1néu x>1 < f(In :
Cau17: Chohamsé y=f(x)={ " " "~ . Khido jde bing
x+1 néu x<l1 X
A3 B.3. C.s. D. 4.
2
. X2+, x<1 P
Céiu 18: Cho ham séf(x) lién tuc trén R xac dinh boi f(x)z , biét rang tich phan
mx+2-m, x>1
2
j f(x)dx :% Chon khang dinh dung trong cac khang dinh sau.
0
A. me( ) B. me(O;l). C. me(l;2). D. me(2;3).

2x+1 khi x<0

Ciu 19: Chohamsd f(x)=< . _
sinx+1 khi x>0
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Gia4 tri cua tich phan [ = ( f2(x)+ f(=2x)sin x)dx bang:

O 0 | N

A.]:3—”+2. B.]=3—”+z. C.3—”—1. D.1=3—”+i.
4 4 3 4 4 3
12’“2, khi 1<x<3
Ciu 20: Cho ham sb y = f(x) c6 dao ham trén (1;7) cho boéi f'(x)= X
, khi3<x<7
x—17
i 2
biét f(~2)=0. Tinh tich phan 7 = j 2xf (x* +2)dx .
1
A. [ =-3In2-9. B. /=-In2-3. C.[=-24In2-9. D.[=8n2-3.
R P x+2, khix>-1
Cau 21: Chohamso f(x)= , .
—x, khix<-1
Tinh 7= [ (x 417 /e [ log, (x* +1))d
in —‘[(x+).e x+‘l[x2+1f(—0g2(x +)) X
A 2e—3ln2' B. —2e+31n2. C _2eln2+3. D. 2eln2—3.
4 4 4In2 41n2
X 4+2x+m khix>0
Ciu 22: Cho ham s6 f(x) lién tuc trén R thoa/man f(x): 2x+5 hix<0 (m 13 hang s6). Biét
ix<
x—1
e 1 In2
Izjf(nx)dx+If(ezx)dx=a+bln2.Tinh 12a+b.
[ 0
A. 13. B. 49. C. 37. D. 25.
) _ 1 x
16x" —8x+2 khi x>— B %fz(lnx)
Cau23: Chohamsé f(x)= 4 . . Tinh [ = I sin2xf(sin2 x)dx+_[—dx
2Jx Khi 0<x < x e
A. 1=3(e-1). B. I=3(e+1). c.1=289 p. /=200
371 450

Gido vién: Huynh Vin A'i}h — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hué — PT: 0984164935 Page 171
Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tot Nghiép THPT — BDKT Todn 10; 11; 12



Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cho ham s6 y = f(x) D6 thi y= f'(x) trén [—3;0] nhu hinh v& ( phan cong ctia do thi 1a mot

phan cta parabol y = ax® +bx+c¢).

Biét J.g)dx-§ Tinh gia tri £(0).

A. 1. B. 2. C.E. D. —Z.

9 9
Cho ham sé y=f(x) xdc dinh va lién tuc trén» (0;+o0) théa min f(1)=1 va
2x.f(x)+x2f'(x)=3x2+1.Tinh f(2).
3 5
A. f(2)=Z. B. f(2)=2. C. f(2)=Z.
Cho ham s6 yzf(x) théa man f(2)=— va f'(x Zx[f ]2 voi f(x);tO,VxeR, tinh

7(1).

-1 -1

A. > B. % C. = D. 7.

Cho ham s6 f(x) xdc dinh va lién tuc trén (0O;+0) théa man f(1)=4 va
F(x)=xf(x)-22 —32>. Tinh /(2).

A. 15. B. 10. C.5. D. 20.

Cho ham sd yzf(x) thoa méan f’()c).f()c)zx3 +x. Biét f(O) =2 .Tinh f* (2)

A. f*(2)=16. B. /2(2)=4. C. *(2)=14. D. /7(2)=20
, 9f(\/§) 3
Cho ham s6 f(x) lién tuc trén R va thoa man dex =4 va jf(sin x)cosxdx =2 . Tinh tich
1 X 0
3
phan jf(x)dx
0
A. 2. B. 6. C. 4. D. 10.
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:
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Cho ham s6 f(x) lién tyc trén R va thoa man f(x)+ f(-x)=+v2+2cos2x,VxeR. Tinh

I= j £ (x)dx

A. I=-6 B. =6 C.

~

=-2 D.7=0
1

5 2
Cho ham s6 f (x) lién tuc trén R va céc tich phan If(tan x)dx=4 va Ixz—()lc)dx =2, tinh tich
. . X+

1
phan Izjf(x)dx.
0
A. 3. B. 1. C. 4. D. 6.
Cho f(x) lIa ham lién tuc va a>0. Gia su rﬁng vOl moi xe[O;a], ta co f(x)>0 va

1
dx
l+f(x)

A.%. B. 2a. C.aln(l+a). D.

f(x)f(a—x)zl.Tinh Izj‘

(ST

Cho f(x) 1a ham lién tuc trén [0;1]. Gid Sk ring véi moi xe[0;1], ta c& f(x)>0va

7(x)-f (1-x)=4. Tinh I#X(x)

A. 1. B. 2. C. D.

1 1
2 4’

3
Cho ham s6 f'(x) lién tyc trén R va 3/ (-x)—2f(x)=tan’ x. Tinh I F(x)dx.
:

A 1-2 B. Z_1. c.1+Z%, p.2-~.
2 2 4 2

i
Cho ham séf(x) lién tuc trén R va thoa mén f(—x)+2018f(x) =xsinx. Tinh [ = J. f(x)dx
B

2 1 1 1

2019 2019 1009 2018
Cho ham s6 f (x) lién tuc trén  doan [0;1] thba man diéu  kién
1
S (x)+2/(1-x)=3x" = 6x,Vx €[0;1]. Tinh 7 = [ £ (1-x") dx
0

A.Izi. B. /=1. C.Iz—i. D.Izi.
15 15 15
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Cau37: Cho ham s yzf(x) lién tuc voi moi x#0thdéa man f(x)+2f(lj=3x,x¢0. Tinh
X

AT=2. B.1=2. c.r-1. D.1=2.
2 2 2 3

Cau 38: Cho ham sé f(x) c6 dao ham lién tuc trén R va théa man f(1)=3 va f'(x)- f(x)=2-x7,
VxeR. Tinh f(2).

8 —236 ‘ D. 8 +23e ‘
e e

A. 8. B. 8. C.

Cau39: Cho ham s6 y=f(x) c6 dao ham va lién tuc trén R théa main f’()c)+2xf(x)=6x2e')‘2 va
1
/(0)=0. Tinh tich phan 7= [  (x)dx.
0

A.Izl—z. B.I=1+l. C.I=1+g. D.Izl—l.
e e e e

Cau40: Cho ham s6 f(x) c6 dao ham lién tuc trén [2;3] thoa man 2f(x)-f (x)=¢"In

2

X —x
Vx e [2; 3] . Khang dinh nao sau ddy ding?
A. f(3)—ez.f(2)=e"(3ln3—2) B. f(3)—e2.f(2)=3e61n3
C. f(3)—ez.f(2)=2eé(ln3—2) D. f(3)—ez.f(2)=2e6ln3
. 1
Cau4l: Cho hamso f(x) c6 dao ham lién tuc trén [0;1|, thoa man 2/ (x)+ f'(x) = ——F—— vOi moi
(* o] P (5) =g

xe [0;1] . Khang dinh nao sau day diing?
A Ef(1) —f(0)=%. B. ¢’/ (1) - £(0)=In(1+2).
C. /(1) - f(0)=~2.D. &1 (1) - /(0)

CAu 42: Cho ham sb f(x) ¢0 dao ham lién tuc trén [O;l] , théa man f'(x)—Zf(x) =e*, véimoi x e [O;l]

L.

1
va f(0)=1.Biét [ f(x)dx=ae’ +c.Gidtri cia a+b+c bing
0

A. 1. B. —l. C. 3. D.

3

w | 00

3
2

CAud43: Cho ham so f(x)c6 dao ham lién tuc trén [0;3]théa man f(3)=0, J.[f'(x)] dngvé

3 3
J‘ f(x)l dx = _g' Tich phan jf(x)dxbé.ngi
0 0

Vx+
AL B. . c.l. p. .
3 30 6 6
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Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cho ham s6 y = f(x)cé dao ham lién tuc trén R . Biét f(1)=e va
(x+2)f(x) =xf'(x)—x3,VerR{. Tinh f(2).
A. 4e’* —4e+4. B. 4¢* —2e+1. C.2¢"—2e+2. D. 4¢* +4e—4.
1
Cho ham s £ (x)c6 dao hfam va lién tyc trén [0,1] thoa man f(1)= O,J.[f'(x)]2 dx =%—21n2

0

1 1
va | RAC IR —% . Tinh tich phan [ f (x)dx bang.
0

0(x+1)2
AL 1—21n2‘ B. 3—21n2. C. 3—4ln2. D. 1-In2
2 2 2 2

Cho ham s6 y=f(x)c6 dao ham dwong trén [L;2]théa man f(1)=lvé.
e

xf'(x)+(x+1)f(x) =3x’¢ . Tinh f(2).
A f(2)=2. B. (2)=2. C. /(2)=b D. f(2)=".

e e e e
Cho ham s6 f(x)c6 dao ham xac dinh trén R. Biét f(I)=2va

ij_f'(x)dx:jlgj\_/;_f(2—\/;)dx:4. Gid tri jf(x)dxbﬁng
X 0

0 1

Al B.2. c. D. L.
7 7 7
Cho ham sé f(x)lién tuc trén-doan [%;2} va théa man f(x)+2f [lj=3x,Vxe[%;2}.Tinh
X
2
1=[L9
T X
2
AT=2 B.I=_. C.r=1, D.7=>.
2 2 2 2

Cho ham s6 y=f(x)cé6 dao ham lién tuc trén doan [L;2]théa man f(1)=2va
2

F(x)=(x+1) f'(x)=2x?(x), Vx €[1;2]. Gid tri cua jf(x)dxbéng

A.1+In2. B.1-In2. C.%—an. D.%+ln2.

Cho ham s6 f (x) lién tuc trén khoang (O; +oo) va théa man

f(&) 2x+1 n
X +1)+ = In(x+1). Biét x)dx=aln5-2Inb+cvébi a,b,c e R. Gia tri cia
741 =) B [ ()
a+b+2cbang
A.%. B. 5. C.7. D. 37.
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T

. ) 3 1 e (ln2 x)
Cau51: Chohamso f(x)lién tuc trén R va thoa mén Itanx.f( jdx: ava I ———=dx=>.Tinh
0 COs X xInx
2
tich phan If(x)dx.
X
2
A. a+b. B. —a+2b. C.—-a-2b. D. a+2b.

Ciu 52: Cho ham sd f(x)lién tuc trén {%;Z}Vé théa man f(x)+2f(lj=3x.Tinh tich phan
X

2
1=jf(x)dx
T X
2
AT=L B. =2 c.r=2. D.1=L.
2 2 2 2

2
Cau 53: Cho ham s0 f(x)c6 dao ham lién tuc trén [1;2]va théa man j (x=2) f(x)dx= —%, f(H=0,

1

——

[/'(0)] dx= % - Tinh [xf(x)dx.

A._—19. . 7. _1. D. 13.
60 120 5 30
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{ DANG TOAN 42: SO PHUC VD - VDC }

KIEN THUC CAN NHO:
1. Médun ciia s6 phirc:

(1 Sb phitc z = a + bi duoc biéu dién boi diém M(a; b) trén mit phang Oxy. Do dai cua vécto OM duge
goi 1a modun cia s6 phire z. Ki hiéu |z = |a +bi| = Va’ + b’

(] Tinh chat

o |zl =d?* +b* =\/Z__=|W| . |z|20,‘v’ze(C,|z|=0<:>Z:O

z| I

° |Z.Z'|=|Z|.|z'| * |— =—,(z'¢0) ° ||Z|—|Z'||S|Ziz'|S|Z|+|Z'|
z'l |z
0 |kz| =|k|-|2]. ke R
1 Chay: |2 =|a? b+ 2abi| = [(@* ~ 7Y +4at? =a® +b* = | =[] =zz.
Luuy:
U |z, +2,|<|z,|+|z,| dAu bing xay ra < z, =kz, (k > 0)
[ |z, = z,| <|2,|+|z,| dAu bing xay ra < z, =kz, (k<0).
0|z, +2,|> ||zl| —|zz|| déu bang xdy ra < z, = kz, (k< 0)
0|z, —z,|2 ||Z1| —|zz|| dau bang xdy ra < z, = kz, (k =0)
O |z +5f +z-2[ :z(|z,|2+|zz|2)
0| =[ld=[ vzec
2.Mot s6 quy tich nén nhé
Biéu thirc lién hé x, y Quy tich diém M
ax+by+c=0 (1) (1)Puong thang A:ax +by+c=0
|z—a—bi|=|z-c-di| (2) (2) Buong trung tryc doan AB v6i(4(a,b),B(c,d))
(x_a)z +(y—b)2 = R? hoic Duong tron tam /(a;b), ban kinh R
|Z—a—bi| =R
(x_a)z +(y—b)2 < R” hoic Hinh tron tam /(a;b), ban kinh R
|z—a—bi| <R
P2 < ( - a)2 i ( y— b)2 < R*hoic Hinh vanh khén gi6i han boi hai duong tron don tam

, I(a;b), bankinh lan luot 1a r, R
r£|z—a—bl|SR

J’=ax2+bx+c( +0) Parabol
c
x=ay’ +by+c
2 2 1) Eli
(+a) 04 ) poge (1) P
b d (2) Elip néu 2a > 4B , A(a,,b,),B(a,,b,)

|Z_a1 —b1i|+|z—a2—b2i|=2a boan AB néu2a = AB
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(x+a) (y+c) Hypebol
v o4

Mot s6 dang dic biét cin hru y:
Dang 1: Quy tich diém biéu dién sb phirc 12 duong thing.
TQ1: Cho s phtic z théa man |z -a —bi| = |z

,tim |2[, . Khi d6 ta co

z|,
Min

1 Quy tich diém M (x; ) biéu dién sd phic z 1a duong trung truc doan 04 véi A(a;b)

1 | O
0 |ZMin 2|ZO|=E a2+b2
a b,
Z=—4—I
2 2

TQ2: Cho s6 phtic thoa man diéu kién |z —a —bi| = |z —Cc— di|. Tim|z|m‘_n .Taco
1 Quy tich diém M (x;y) biéu dién sd phic z 1a duong trung truc doan AB véi A(a;b), B(c;d)

‘az +b-¢° —dz‘
- 2 2

2(a—c) +(b-d)

Luu y: D& bai ¢ thé suy bién bai toan thanh 1 sé dang, khi d0 ta can thyc hién bién d6i dé dua vé
dang co ban.
Vidu 1:

I Cho 6 phirc thoa man diéu kién |z —a—bi| = |[7—'¢=di]. Khi do ta bién doi

7|4y, =d(0.48)

‘;—a—bi‘ =|z—c—di|<:>|z—a+bi|:|z—c—di|.
[ Cho s6 phtrc théa mén diéu kién |iz—a = bi| =|z — ¢ - di|. Khi d6 ta bién doi

—c—di
+

~a=bi

7 |z+b+ai|=|z+d +cil.

liz—a—bi|=|iz—c—di| < ,

1

Dang 2: Quy tich diém biéu dién s6 phtc 1a duong tron.
TQ: Cho s6 phitc z théa min diéu kién |z—a—bi|= R >0(|]z—z,|=R). Tim |z

z| n.Tacc')

Max Mi

" Quy tich diém M (x;y) bi€u dién so phic z 1a duong tron tam (a;b) ban kinh R
|2, =0l +R=Na*+b* +R=|z|+R
W_R‘ = || - &
Lwuy: Dé bai co thé cho & dang khac, ta can thuc hién céac phép bién d6i dé dua vé dang co ban.
R

i

A, =101 R =

—a—bi
ZH————

l

Vi du 1: Cho s6 phuc z thoa man diéu kién |iz -a —bi| =R< (Chia hai vé cho |z|

)

= |Z+b+ai| =R

Vi du 2: Cho sb phitc z thoa man didu kién ‘;—a —bi‘ — R & |z—a+bi|= R (Lay lién hop 2 vé)
Vi du 3: Cho s6 phitc z thoa man diéu kién

—a-bil R R

c+di | |c+di| \/CZ +4d?

(c+di)z—a—bi|=R < |z+
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_R
2]

Dang 3: Quy tich diém biéu dién s6 phirc 1a Elip.

TQ1: (Elip chinh tdc). Cho s6 phitc z thoa man diéu kién |z —c|+|z+c|=2a,(a > ¢) Khi d6 ta co

(Chia cd hai vé cho|z,| )

- & y4

Hay viét gon |ZOZ—ZI| =R< ‘Z——l
Z,

0

2 2

1 Quy tich diém M (x;y) biéu dién sd phtc z 1a Elip: x—2+ 2y ~=1
a’ a’-c
|ZMax =a
U —_—
|Z|Min = (12 _Cz

TQ2: (Elip khong chinh tic). Cho sd phtc z théa man diéu kién |z -z | + |z - zz| =2a
Thoa man 2a > |z1 —zz| .

Khi d6 ta thyuc hién phép bién d6i dé dua Elip vé dang chinh tic

Taco
Khi dé cho Elip dang khong chinh tac |z—zl|+|z—zz|=2a,(zl —zz| <2a)ve‘1 z,,2, # e, xci ).
Tim Max, Min cta P = |z—zo| .
5 |zl—zz|=26
bat
B =dt-C
2 zZ,+z P, =a .
Néu |z, ———3*=0 { e (dang chinh tac)
PMin:b
z,+z 5tz
o == >a P, =|z,——2*|+a
Néu 2
z,—z,=k(zy—z,) P z,+z,
Min =|P0 T 4 | T
2
zZ+z zZ+z
o =2 <a P,. =|zo———%+a
Néu 2 2
zo—2,=k(zy—z,)
Néu |zo—zl|=|zo—zz| P _‘ itz —b‘
Min — [0 7

CAU 42_PTK2021 C6 bao nhiéu s6 phirc z thoa mén [z| =2 va (z+2i)(z-2) 1a s thudn ao?
Al B. 0. C.2. D. 4.
Loi giai
Chon C
Giast z=a+bi (a;beR) = z=a—-bi
Taco: (z+2i)(z-2)=[a+(b+2)i|(a—2-bi)=a(a=2)+b(b+2)+[-ab+(a-2)(b+2)]i
Ja>+b> =2 <:}{az+b2=2

Do d6 yéu cau bai todn <
a(a—2)+b(b+2)=0 a’+b*—2a+2b=0
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I 1+/3
a=
2
b_—1+\/§
a’+b* =2 (b+1)"+b*=2 20> +2b-1=0 T2
<~ <~ <~ <~
2-2a+2b=0 a=b+1 a=b+1 1_\/5
a=—
2
b:‘l_\/g
i 2

Vay ¢6 2 s6 phirc z thoa méan yéu cau bai toan.
Ciul: (P& Tham Khao 2017) Hoi c6 bao nhiéu sb phirc z thoa méin ddng thoi cac diéu kién |z - i| =5va

z” 14 s6 thuan 40?
A. 4 B.0 C.2 D. 3

Cau2:  (Ma 110 2017) Cho sé phic z=a+bi (a, beR) thoa man z+2+i=|z|. Tinh S=4a+b.
A. S=—4 B. §=2 C.S5=-2 D. S=4
Cau3:  (Mi 110 2017) C6 bao nhiéu sé phirc z théa man |z %2=7]=2+2 va (z—-1)" la s6 thuan a0?
A. 0 B.2 C4 D. 3
Caud: (P& Tham Khio 2018) Cho sb phitc z=a+bi(a,beR) théa man z+2+i—|z|(1+i)=0 va
|z|>1.Tinh P=a+b.
A. P=-1 B. P=-5 C.P=3 D. P=7

CausS: (M4 104 2018) C6 bao nhiéu s phitc z théa man |z|(z—5—-i)+2i=(6-i)z?
A. 1 B.3 C.4 D. 2

Cau6: (M4 103 2018) C6 bao nhiéu s phirc thoa man |z|(z—6—i)+2i=(7—i)z?
Al B. 4 C.2 D. 3

Cau7: (M4 102 2018) C6 bao nhiéu sé phirc z théa man |z|(z—3—i)+2i=(4-i)z?
Al B.3 C.2 D. 4

Cau8:  (Mi 1052017) Cho s phirc z thoa mén |z+3|=5 va |z—2i|=|z—2-2i|. Tinh |].

A ||=17 B. |2|=17 C. |[{=+10 D. [2|=10
CAu9:  (Mi 1052017) C6 bao nhiéu s phitc z thoa mén |z+3i] =13 va — 5 la s6 thudn a0?
zZ+
A.0 B. 2 C. Vo s D. 1
Ciu 10: C6 bao nhiéu sd phire = thoa man diéu kién |22+2| =2 va |z/=27
A. 2. B.3. C. 1. D. 4.

Ciau 11: C6 bao nhiéu sé phuc z thoa méan diéu kién ‘z +i\/§‘ + ‘Z —i\/g‘ =6, biét z c6 mddun bang J52
A. 3 B. 4 C.2 D. 0
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Ciau 12:  Cho hai sé phic z,, z, théa man cac diéu kién |Zl| = |Zz| =2 va |Z1 +222| =4. Giatri cia |221 —22|
bang
A. 26 B. /6. C. 3V6. D. 8.

Ciu 13: Cho s phitc z c6 phan thuc 13 s nguyén va z thoéa man |z| —2z=-7+3i+z.Mbdun ctia sb phtrc

w=1-z+2z" bang

A. [w|=+/445 . B. [w] =425, C. |w=+37. D. |w] =457

Céau 14: Cho s6 phitc z=a+bi (a,b€R) thoa man |z —4|i +|z—2i[=~/5(1+i). Tinh gia tri ctia biéu thic

T=a+b.
A.T=2. B. T =3. C.T=1. D. T =-1.
Ciu 15: C6 bao nhiéu sb phirc z thoa |z+1—2i|:‘2+3+4i‘ va Z__2.l 1a mot s6 thuan ao
Z+41i
A. 0. B. V6 sb. C. 1. D. 2.

Cau 16: C6 bao nhiéu s6 phirc z thoa man |z—(2+1)| =10 va z.z =25,
A 2. B. 3. C. 1. D. 4.

Ciu 17: C6 bao nhiéu sb phirc z théa man |z|2 = ‘z+2‘+‘z—2‘ va z? 1a sb thuan 4o
A. 4 B. 2 C:'3 D. 5

Cau 18: Cho sb phuc z =a+bi (a,b ER) thoa man |Z—3| =|Z—1| va (Z+2)<;—i) 1a s6 thue. Tinh a+b.
A. 2. B. 0. C.2. D. 4.

Cau 19: Cho sé phitc z=a+bi(a,beZ) thoa mdn |z+2+5i|=5 va zz =82. Tinh gi4 trj cua biéu thic

P=a+b.
A. 10. B. -8. C. -35. D. -7.

Cau 20: Goi S 1a tap hop céac s6 thyc m sao cho véi mdi m e S ¢6 ding mét s6 phirc théa man |z —m|=6

va la s6 thuan do. Tinh tong cua cac phan tur cia tap S'.

z—4

A. 10. B. 0. C. 16. D. 8.
Céhu 21: Cho sd phic z théamin z—4 =(1+i)|z|—(4+3z)i . Modun cia s6 phirc z bang
A. 2. B. 1. C. 16. D. 4.

Ciu 22: Chosd phic z=a+bi (a,beR,a>0) théa 2z -12|z|+(z-Z)=13-10i. Tinh S=a+b.
A S=-17. B. §=5. C.S=7. D. S=17.

Céu 23: Cho hai s6 phitc z,, z, théa man |z|=1,

z,|=2 va |z,+2,|=3. Gidtricta |z, —z,| 1a
A. 0. B. 1. C. 2. D. mot gia tri khac.
Cau 24: Cho sb phicc z=a+bi(a,beR) théaman z+7+i—|z[(2+i)=0 va|z[<3. Tinh P=a+b.

A. 5. B. —l. C.7. D.é.
2 2
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Cau25: Cho hai sé phic z ,z, thoa man: |zl|:2\/§ , |zz|:3\/5. Hiy tinh gia tri biéu thirc

2 2
P=|Zl—22| +|Zl+22| .

A. P=60. B. P=20./3. C. P=30\2. D. P=50.

Ciu 26: Sb phirc z=a+bi(a,be]R) thda man |Z—8|i+|z—6i|=5(l+i). Tinh gia tri biéu thic P=a+b.
A. P=1. B. P=14. C. P=2. D. P=T7.

Ciu 27: Cho s phtic z=a+bi, (a.b<R) thoa man Z+2+l_|Z|(1+Z)=O va |Z|>1. Tinh P=a+b.
A. P=3. B. P=-1. C. P=-5. D. P=7.

Cau28: C6 bao nhiéu sd phirc = thoa man |z—2+3i| =|z+1—i| va |2 +2(z+z)=5?
A. 0. B. 1. C.2. D. 4.

Ciu 29: Tinh tong phin thuc cua tit ca cc s6 phirc z # 0 théa man (z +|5?|Ji =T7-z.
A. 3. B. -2. C. -3. D. 2.

Cau30: Goi S 1a tap hop céc s6 phirc z théa min diéu kién z* =|z|'S&-phan tir ctia S 1a
A. 7. B. 6. C.5S. D. 4.

Cau 31: (M4 104 2017) Goi S 1a tap hop tat ca cac gid tri thuc etia tham s6 m dé ton tai duy nhét sb phirc
z théaman zz=1 va ‘z—\/§+i‘ =m . Tim s6-phanitt cia S .
A. 2. B. 4. C. 1. D. 3.

Ciu 32: (M4 102 2018) Xét cac s6 phirc z thoamén (E+ 3i)(z —3) 1a s6 thuan ao. Trén mat phang toa do,
tap hop tat ca cac di€m bicu dien eac s0 phirc z 1a mot dudng tron cd ban kinh bang:

A. % B. 3./2 C.3 D. %

Cau 33: (M4 103 2018) Xét cdc s phitc z théa man (Z +2i)(z—2) la sb thuan do. Trén mit phang toa do,
tap hop tat ca cac diém biéu dién cac s6 phirc z 1a mot dudng tron c¢6 ban kinh bang
A. 242 B. 4 c.\2 D. 2

Ciu 34: (Pé Tham Khao 2019) Xét cac s6 phirc z thoa man (z+2i)(2+2) 1a s6 thuan 4o. Biét rang tap
hop tat ca cac diém biéu dién cia z 1a mot duong tron, tam cua duong tron do c6 toa do 1a

A. (L1) B. (-1;1) C. (-;-1) D. (1;-1)

Cau35: (M 1012019) Xét s6 phic z thoa man |z|=+/2. Trén mat phing toa do Oxy, tap hop diém biéu

x . 4+ .
dien cac so phiic w= 1+ = mot duong tron co6 ban kinh bang
+z
A. V26 B. V34. C. 26. D. 34.

Chu 36: (M4 102 -2019) Xét s6 phirc z thoa man |z|= V2. Trén mit phing toa dd Oxy , tap hop diém biéu

+iz

« X ’ A ’ 3 A \ J ’ ’ <
dien cac so phtic w= la mot duong tron c6 ban kinh bang

1+z
A. 245, B. 20. C.12. D. 2./3.
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Cau 37: Cho s6 phiic z thoa man |2|=2. Biét ring tap hop céc diém biéu dién s6 phie w=3-2i+(2-i)z
la mot duong tron. Tim toa d§ tam / cia duong tron d6?

A. 1(3;-2). B. 1(-3;2). C. 1(3;2). D. I(-3;-2).

Ciu 38: Cho sé phirc z thoa |z—1+2i| =3. Biét rang tap hop cac diém biéu dién cua sb phitc w=2z+i
trén mit phang (Oxy) 1a mot dudng tron. Tim tAm cia duong tron do.
A. 1(2;—3). B. I(l;l). C. I(O;l). D. 1(1;0).

z+2

5 1a s6 thuan ao. Biét rang tap hop cac diém bicu dién cac s6
zZ—Zl

Ciu 39: Xét cac sb phuc z théoa méin

phirc z ludn thudc mot duong tron cd dinh. Ban kinh cua duong tron d6 bang
A 1. B. 2. C.22. D. 2.
Cau40: Cho sé phtc z théa man |z+1-3i|=2. Biét tap hop diém biéu dién s6 phitc w=(2-i)z-3i+5
la mgt duong tron. Xac dinh tam 7 va ban kinh cta duong tron trén.
A. [(-6;-4),R=25. B. I(6;4),R=10.  C. I(6;4),R=25. D. I(-6;4),R=25.

Chudl: Cho z, z, 1a hai trong cc s6 phic z thoa man diéu kién |z—5-3i|=5, dong thoi |z, —z,|=8.

Tap hop cac diém biéu dién cua sb phirc w= z,+ 2, trong mat phang toa d6 Oxy 1a duong tron c6

phuong trinh nao dudi day?

A. (x—%)er(y—%jz:%. B. (x—10)" +(y—6)" =36.
C. (x=10)" +(y-6)" =16. D. (x—§j2+[y—%j2=9.

Ciu 42: Xét sb phuc z théa man |z—3i+4|:3, biét rang tap hop cic diém biéu dién sé phirc

w=(12—-5i)z+4i 1a mot duong tron. Tim ban kinh r ctia duong tron do.
A. r=13. B. r=39. C.r=17 D. r=3.

Cau 43: Cho s6 phtrc z thao man (z+1-3i)(Z +1+3i) = 25 . Biét tap hop bicu dién s6 phirc z 1a mot duong
tron ¢6 tam I (a;b) va ban kinh ¢ . Tong a+b+c béng
A. 9. B.3. C.2. D. 7.

Cau44: (P& Tham Khio 2018) Xét s phic z=a+bi (a,b€R) théa man |z—4-3i|=+/5. Tinh
P=a+b khi |z+1-3i[+|z—1+i| dat gia tri 16n nht.
A. P=38 B. P=10 C.P=4 D.P=6

Ciu 45: Cho s phirc z thoa man |z—2—2i[=1. Sé phitc z—i c6 mddun nhé nhat la:
A 5-2. B.\5-1. C.\5+1. D.5+2.

Ciu 46: Cho s6 phuc z thoa min |z—2 —3z'| =1. Tim gi4 tri 16n nhét cta |E+1+i| .

A.x/§+3. B.\/E-FS. C.«/EH. D.\/B+6.
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Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:
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Xét tht ca céc s phitc z thoa man [z—3i+4|=1. Gid tri nho nhét ctia |2* +7—24i| ndm trong
khoang nao?
A. (0;1009). B. (1009;2018). C. (2018;4036).  D. (4036;+c).

Cho sb phtc z thoa man ‘z +E‘ + ‘z —E‘ =4. Goi M,m lan luot la gia tri lon nhét va gia tri nhd nhét

ciia P=|z—2-2i|. gt 4=M +m. Ménh dé nao sau day la ding?

A. Ae(@;6). B. Ae(6;JE). C. Ae(zﬁ;\/@). D. Ae[4;3\/§).

, 80 phirc z c6 mo6 dun nho nhat c6 phan 4o la

B.2. c.-2. D. >
5 5 10

Trong cic s6 phitc z théa man |z -1+ i| = ‘Z +1-2i
3
10

Cho s6 phirc z théa man |z—3-4i|=+/5. Goi M va m lan luot 14 gi4 trj 16n nhit va gia tri nho

nhét ctia biéu thicc P =|z+2[ —|z~if . Médun cua sé phicc w=M +mi 1a

A. [ =3137. B. [w]=+/1258. C. [w]=2+309". D. [w]=2314.

Xét sb phuc z théa man |Z -2 —4i| = \/g .Goi a va b lan luot 1a gia tri 16n nhét va gia tri nho nhat

clia |z|. Gi4 tri biéu thirc a” —b” bang

A. 40. B. 45. C.20. D. 245.
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[ DANG TOAN 43: THE TICH KHOI PA DIEN VD - VDC }

KIEN THUC CAN NHO:

THE TiCH KHOI CHOP — KHOI LANG TRU

1

chiéu cao| = E-Sdéy.

1. Thé tich khdi chop |V —l-s

chép — 3 ddy*

d (dinh; mat phang déy)

2. Thé tich khéi ling tru |V

lang tru

. Thé tich khéi lap phuong . Thé tich khéi hop chit nhat

=S4y~ chi€u cao

3. Ti s0 thé tich
. Cho khdi chop S.ABC, trén cac doan thang SA, SB;.SC. lan
luot lay cac diém A/, B’, C' khac S. Khi d6 ta ludn.co ti sb thé
tich: | _ SA' ‘ SB’ . sc’ ‘

< aBo SA SB SC
. Ngoai nhitng cach tinh thé tich trén, ta edn phuong phap chia nho
khéi da dién thanh nhimng da dién nho ma dé dang tinh toan. Sau d6
cong lai.
. Ta thudng dung ti s6 thé tich khi diém chia doan theo ti 1¢.
4. Tinh chét ciia hinh chép déu
. Pdy la da gidc déu (hinh chop tam gidc déu co day 1a tam giac déu, hinh chop tir giac déu c6 day 1a
hinh vudng).

. Chén dwong cao triing véi tim dwong tron ngogi tiép da gidc ddy
. Cdc mdt bén la nhitng tam gidc cén va biang nhau.

. Géc giita cdc canh bén va mdt ddy déu bing nhau.

. Géc giita cdc mat bén va mat ddy déu bang nhau.
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5. Tit dién déu va bat dién déu:

. Tir dién déu 1 hinh chop co tat ca cac mit 1a nhitng tam giac déu bang nhau.

. Bit dién déu 12 hinh gdm hai hinh chép tir gidc déu ghép trang khit hai day véi nhau. Mdi dinh ciia no
1a dinh chung cua bén tam giac déu. Tam mit 13 cic tam giac déu va bang nhau.

Néu nbi trung diém cua hinh t&r dién déu hodc tAm cac mit cua hinh 1ap phuong ta s€ thu dugc mot hinh

bat dién déu.

i

Hinh Ling tru ding va hinh Ling tru déu:
. Hinh Ling tru ding 13 hinh ldng try c¢6 cac canh bén vudng goc v6i mit phang day. Do d6 cac mit
bén cta hinh ling tru dimg 14 cac hinh chir nhat va nam trong mit phang vudng goc voi mat phang day.
. Hinh ling tru déu 13 hinh lang tru dimg c6 day 1a da giac déu.

XAC PINH CHIEU CAO THUONG GAP

a) Hinh chép c6 mgt canh
bén vudng géc voi day:
Chiéu cao cta hinh chép 1a
dd dai canh bén vudng goc
voi day.

Vi du: Hinh chop S.ABC" c6 canh bén
SA vudng goc voi miat phing day, tic
SA 1 (ABC) thi chiéu“cao ciia hinh
chop la SA.

b) Hinh chép c6 1 mit bén
vuéng goc véi mat day:
Chiéu cao cta hinh chop 1a
chiéu cao ciia tam giac chira
trong mat bén vudng goéc véi
day.

Vi du: Hinh'chép S.ABCD c6 mat
bén (SAB) vudng goc véi mit phang
day.(ABCD) thi chiéu cao cia hinh
chép1a SH 1a chiéu cao cia ASAB.

¢) Hinh chép c6 2 mat bén
vudng goc véi mait day:
Chiéu cao cta hinh chép la
giao tuyén cta hai mit bén
cung vudng goc voi mat
phang day.

Vi du: Hinh chép S.ABCD c6 hai
mat bén (SAB) va (SAD) cung
vuong goc voi mat day (ABCD) thi
chiéu cao cuia hinh chop 1a SA.

d) Hinh chép déu:

Chiéu cao cta hinh chop 1a
doan thang ndi dinh va tam
ctia day. Ddi véi hinh chop
déu day la tam giac thi tim
la trong tam G cua tam giac
déu.

Vi_du: Hinh chép déu
S.ABCD cé tam da giac day
la giao diém cua hai duong
chéo hinh vudong ABCD thi
c6 duong cao la SO.
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DIEN TiCH CUA MQT SO HINH THUONG GAP
71 Dién tich tam giac thwong: Cho tam giac ABC va dat AB=c¢, BC =a, CA=0b va

_at+b+c
2
giafc ABC'. Khi d6:

: ntra chu vi. Goi R, r lan luot 1a ban kinh dudng tron ngoai tiép va ndi tiép cua tam

zla.h :lb.hb :lc.h
2 2 2 ¢

= 1absi]nC’ = lbcsi]nA = lacsinB
* Spape =| 2 2 2
_abe
AR
= \/p(p —a)(p—b)(p —c), (Héron)
1 .
*  Siamgisc vuong = 5 (tich hai canh goc vuong).
_ (canh huyén)’
tam gidc vuong can f :
anh)’. N . . anh.
S gidc b = m = Chi€u cao tam giac déu = ﬂ

"1 Shinh chirnhat = dai X rONg va Shinh vuong = (canh)?.
_ (ddy 16n + ddy bé)- (chiéu cao)

hinh thang — 2

(1S

__ Tich hai dudng chéo _ Tich 2 dudng chéo
T gidc ¢6 2 dudng chéo vuong géc ~ 2 = Shinh thoi — 2 '

HE THUC LUQNG TRONG TAM GIAC
1. Hé thirc lwong trong tam gidc vudng
Cho AABC vuéng tai A, c6 AH 1a dudng cao, AM 14 trung tuyén. Khi d6:

« BC® = AB* + AC* (Pitago), AH.BC = AB.AC.
« AB* = BH-BC va AC* = CH - CB.

]S

A
oL ol am—uB HC.
AH AB® AC
x BC =2AM.
*SAABC:%-AB-AC:%-AH-BC. .
B H M C

2. Hé thirc lwong trong tam giac thwong

Cho AABC vadit AB=c, BC —a, CA=1b, p— %b” (nita chu vi). Goi R, r 14n luot 14 ban

kinh duong tron ngoai tiép va noi tiép tam giac ABC. Khi do:
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* Dinh ly ham sin: = b =% —9p
sinA sinB sinC A
o~ —~ 2 2 _ 2
'a2=b2+c2—2bccosA:>cosA:b+2# .
c
~ o~ 2 2 o 2
+ Pinh Iy ham cos: {¢ > = a’ + ¢® —2accosB = cosB = a—f—;_b'
ac
~ ~ 2 > 2 B
°02:a2+b2—2abCOSC:>COSC:m M
2ab
AN — AB* + AC” B BC?
2 2 2 42
* Cong thirc trung tuyén: {» BN’ = BA ;BC — Af :
CA* +CB* AB?
e OK? = _
2 : /A\
* Dinh ly Thales: 2
. SAAMN _ [AM] — 2 B
SAABC AB

CAU 43 PTK2021 Cho hinh chép S.ABC c¢6 day ABC. la‘tam gidc déu canh a, canh bén SA4 vudng goc
v6i mit phang ddy, goc gitta SA va mit.phang (SBC) la 45° ( tham khao hinh bén). Theé tich
khéi chép S.4ABC bang

3 3 3 a3
AL B. 3% C. V3a . D. —.
8 8 12 4
Loi giai
Chon A
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Goi H 1a chan dudng cao tir dinh 4 cua tam giac ABC (H 1a trung diém BC).
Tu A dung AE vudng goc SH trong (SAH )

BC 1 AH
Ta co:

BCLSA(SAL(ABCD)):BCJ_(SAH)

Ta c6: dudng thang SH 1 hinh chiéu ciia duong thang SA4 1én (SBC )
= [S4,(SBC)|=(54,5H) = ASH = 45° =-ASAH vudng can tai A .

\ 3
Ta c6: AH 1a dudng cao trong tam gide deu ABC = AH = aT
:>SA:AH:a—23
1 1 a3 a*\3 _a_3

VS.ABngSA'SAABng'T' 4 8

Caul: (Mi 105 2017) Cho khi chop S.ABCD c6 day l1a hinh vudng canh a, SA vudng goc véi day

va khoang cach tir 4 dén mat phang (SBC ) bang #. Tinh thé tich cia khdi chop di cho.

NEYS

9

3 3
AL B. &’ C. D. L
3 2
Cau2: (Ma1102017) Cho khdi chop S.ABCD c6 day ABCD 1a hinh chii nhat, AB=a, AD = a\/g ,
SA vudng gbe véi mit phing ddy va mat phang (SBC) tao véi ddy mot goc 60°. Tinh thé tich
V ctia khdi chop S.4BCD .

3 3
a C.V=4 p.v=%4
3 3

Cau3d: (Ma 123 2017) Cho hinh chép S.ABCD co6 day la hinh vudng canh a, S4 vudng goc véi day,
SC tao v6i mit phang (S4B) mot goc 30°. Tinh thé tich khoi chép S.4BCD

A.V =3d" B. V=

24’ 2a° 6a’
AL 2% g, Y2 c. ea D. \24°
3 3 3
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Caud: Cho hinh chop tam gidc S.4BC c6 ddy ABC la tam gisc vuong tai B, AB=a, ACB=60°,
canh bén SA vudng goc voi mit day va SB hop véi mat day mot goc 45°. Tinh thé tich ¥ cia
khéi chop S.4BC.

3 3 3 3
NP E By-oP3 c.v=2 b,y -4V
18 12 243 9

Cau5: Cho hinh chép S§.4ABCD c6 day ABCD la hinh chit nhat AB=a va AD =2a, canh bén SA
vudng gbe véi ddy. Tinh thé tich ¥ cua khdi chop S.ABCD biét géc giita hai mit phang (SBD)
va (ABCD) bang 60°.

3 3 3 3
NRIE A c.y - 4as e
15 6 15 3
Chu 6:  Cho hinh chép S.ABC c6 ddy ABC 1a tam giac déu, SA L (ABC). Mit phing (SBC) céch A4
mét khoang bang a va hop véi mét phang (4BC) goc 30°. Thé tich cua khdi chép S.4BC bang
3 3 3 3
A B. 3 c. B p. .
9 3 12 9

Cau 7: Cho hinh chop S.4BCc6 day la tam giac ABC vudng tairC, AB=2a, AC=a va S4 vudng
goc véi mit phang (A4BC). Biét goc giita hai mat phang (SAB) va (SBC) bang 60°. Tinh thé
tich cua khoi chop S.4BC.

3 3 3 3
NCACY B, 96 c. a6 p, £Y2
6 12 4 2

Cau8: Cho khdi chop S.ABC co diy ABC 1a tam gidc can tai A v6i BC=2a, BAC =120°, biét

SA 1 (ABC) va mit (SBC) hop.véi day mot goc 45°. Tinh thé tich khdi chop S.4BC.
3 3 3

AL B. 2. c L. D. <.
2 9 3

Cau 9: Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat c6 AB=a, AD =2a; SA vudng gbéc
v6i day, khoang cach tir 4 dén (SCD) bang %. Tinh thé tich ctia khdi chop theo a.

A. ﬂcf. B. ﬂcﬁ C. ﬁcf. D. ﬁcf.
45 15 15 45

Cau 10: Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, S4 vudng goc voi day ABCD,
géc gilta hai mit phang (SBD) va ABCD bang 60°. Goi M,N lan luot la trung diém cia
SB,SC . Tinh thé tich khdi chop S.ADNM .

3 3 3 3
Ny B,y =96 c.y a6 b,y 2NE
16 24 16 8

Céu 11: Cho khdi chép S.ABCD c6 day 1a hinh vudng canh a, SA vudng goc véi day va khoang cach

tr C dén mit phing (SBD) bang #. Tinh thé tich V' ctia khdi chop da cho.
3 3 3
Av=2L. B.V=d. c.r==. P CL
2 3 9
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cho hinh chép S.ABCD c6 day 1a hinh vuong canh a, SA vuéng goc véi mat day, SD tao voi mat
phing (S4B)mdt géc bang 30°. Tinh thé tich ¥ cta khdi chép S.ABCD.
J3d* Jea' Jea'

AV =3d. B.V = . C.V-= . D. V= .
3 18 3

Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh thoi, goc BAD bang 120°, AB = a. Hai mat
phang (S4B) va (SAD) clng vudng géc véi day. Goc gitta (SBC) va mit phing day 1a 60°.
Tinh thé tich V' ctia chop S.4BCD .

3 3 3 3
A.V:za*/g. B.V=%L C.V:a\/g. D.V:“*/B.
15 12 4 12

Cho hinh chop S.ABCD c6 day ABCD la hinh vuong canh a, mat bén S4B 1a tam gidc can tai
S va nam trong mit phang vudng goc voi day; goc gitta SC va mit phang day bang 45° . Tinh
thé tich khdi chop S.4ABCD bang:

3 3 3 3
V3 R E c. a5 p, Y5
12 9 24 6

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh chir nhat, tam giac SAB 1a tam giac déu canh
a va nim trong mit phang vudng goc véi ddy. Mit phang (SCD) tao vé6i day géc 30°. Thé tich
khéi chop S.ABCD 1a?

3 3 3 3
3 B."ﬁ C."ﬁ D.Saﬁ
4 2 36 36

A.

A.

Cho hinh chép tir gidc S.4ABCD cé day, ABCD 1a hinh vudng canh bang V2a. Tam giac SAD
can tai S va mat bén (SAD) vudng goc v6i miat phang day. Biét thé tich khdi chop S.4BCD

bang %aS. Tinh khoang cach /' tir B dén mat phang (SCD).
J6

zﬁa D. h=—a
5 3

Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vuéng tai 4 va B, BC = %AD =qa.Tam

A.hzia B.hzia C. h
3 2

giac SAB déu va nam trong mit phang vudng goc véi day, goc gitta SC va mit phiang (ABCD)
N \/E ’ A or A J
bang a sao cho tana = - Tinh the tich khoi chop S.ACD theo a.

3 3 3 3
Cho hinh chop S.ABCD cé day 1a hinh chit nhat; 4B =a; AD =2a. Tam giac SAB can tai S
va nam trong mit phiang vudng goc voi day. Goc giita dudng thing SC va mp(ABCD) bang
45°. Goi M 14 trung diém ctia SD . Tinh theo a khoang cach d tir diém M dén (SAC )

_a1513 241315 _a1315 241513

. B.d=——- C.d . D.d=———.
89 89 89 89

A. d
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Cau 19: Cho hinh chop S.4BCD c6 day ABCD 1a hinh chir nhat, mat bén S4D la tam giac vuong tai S
. Hinh chiéu vuéng goc cta S trén mit phiang day 1a diém H thudc canh AD sao cho HA =3HD
. Biét rang S4 = 2a/3 va SC tao v6i ddy mot goc bang 30°. Tinh theo a thé tich V' cua khdi
chop S.ABCD.

3 3
AV =8J64’. B.V=8\/3ga . C. V=82 D.V:S‘/S“ .

Cau 20: Hinh chop S.ABCD c6 ddy ABCD la vudng canh a, hinh chiéu vuong goc ciia S trén mit
phing (ABCD) trang v6i trung diém cua canh AD; goi M 1a trung diém ciia CD; canh bén

SB hop voi day goc 60° . Tinh theo a thé tich ctia khéi chop S.ABM .

a*15 a*15 a*15 a*15

B. C. D.
3 6 4 12

A.

Ciu 21: Cho hinh chép S.ABC c¢6 ddy ABC 1a tam giac déu canh a . Hinh chiéu vudng goc ciia S trén
day 1a diém H trén canh AC sao cho AH :§AC ; mat phang (SBC ) tao voi day mot goc 60°

. Thé tich khéi chop S.4BC 1a?

3 3 3 3
3 B."ﬁ C.‘“B D.“‘B
12 48 36 24

A.

Cau22: Cho hinh chép S.ABCD c6 day la hinh vudngicanh ¢, mit bén S4B nam trong mit phing
vudng goc véi (ABCD), SAB=30°, SA =2a., Tinh thé tich ¥ ciia khdi chop S.4BCD.

3 3 3
A.V:*/g“ . B.V=d. c.v=2, p. =2,
6 9 3

Ciu 23: Cho khdi chop tur gidc déu §.4BED co6 canh day bang a, goc gitta mit bén va mat day bang
60°. Thé tich V' ciia khdi chop 'S.4BCD bing
3 3 3 3
“2‘/3 B.V:“f C.V:O‘g/g D.V:“f

AV =

Ciu 24: Cho hinh chép t&r giac déu S.ABCD c6 canh day bang a, tim cta day 1a O. Goi M va N lan
lugt 1a trung diém ctia S4 va BC . Biét géc giita dudng thang MN va mit phang (4BCD) bing

60°. Tinh thé tich khdi chop S.4BCD .

a*10 a*30 a*30 a*10

B. C. D.
6 2 6 3

Céu 25: Cho hinh chop déu S.ABC c¢6 SA=a. Goi D,E lan luot 13 trung diém cta S4,SC. Tinh thé
tich khdi chop S.ABC theo a, biét BD vudng goc véi AE .

a*\21 a*\f3 a7 a*\21

. B. . C. . D. .
54 12 27 27

A.

A.

Cau 26: Cho hinh chép déu S.4BCD c6 canh 4B =a, goc giita dudng thang S4 va miat phang (ABC)
bang 45°. Thé tich khdi chop S.4BCD 1a

3 3 3 3
2 2
AL B, Y2 c. L. p. £Y2
3 6 6 3
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Cau 27: Cho hinh chép tir gidc déu S.ABCD c6 canh day bang 2a3 , khoang cach gitra hai duong
thang S4 va CD bang 3a . Thé tich khdi chop da cho bang:

3
A @3, B. 6a°\/3. C. 124 . D. 8"3‘5.
Cau 28: Cho tor dién ABCD c¢6 cac canh AB,AC va AD d6i mdt vudng goc voi nhau; AB =6a,
AC=7a vaAD =4a.Goi M ,N ,Ptuong ung la trung diém cac canh BC,CD,DB. Tinh thé
tich V' cua tir dién AMNP .

A.V=17a B. V =14a’ C. V:?cf D. V:%cf

CAU29: Cho hinh chép S.ABCD c6 day ABC la tam giac vudng can dinh 4, 4B = ax2. Goi I 1a trung
diém cia BC, hinh chiéu vudng géc cua dinh S 1én mét phing (4BC) la diém H théa man
IA=-21IH, goc giita SC va mit phang (ABC ) bang 60°. Theé tich khdi chop S.4BC bang

a5 a5 @15 a*\15

A. . B. . C. . D. .
2 6 6 12

Cau30: Cho hinh chép S.ABC co ABC la tam gidc déu canh-3a )SAB = SCB =90°, goc giita (SAB)
va (SCB) bang 60°. Thé tich khdi chop S.4BC bang

3\/§a3 x/Ea3 x/Ea3 9\/5613

A. . B. . C. . D.
8 3 24 8

Cau 31: Cho hinh lang tru ding ABC.A'B'C! ¢6 day ABC la tam giac vuong can tai 4, BC = a2,
A'B tao véi day mot goc bang 60° . Thé tich cua khdi lang try bang

3 3 3 3
A. V3a . B. J3a . c. 3% p. L
2 4 2 2

Ciu 32: Cho khdi lang tru ding tam giac ABC.A'B'C' ¢6 day 1a mot tam gidc vudng tai A. Cho
AC=A4B=2a, gbc gitta AC' va mit phiang (4BC) bang 30°. Tinh thé tich khdi lang tru

ABC.A'B'C'.
3 3 3 3
A. 2"3*/5. B. £ f C. 5“3‘/5. D. 4"3*/5.

Cau 33: Cho lang try dung tam giac ABC.A'B'C' c¢6 day ABC la tam giac vudng can tai B vdi
BA=BC=a,biét A'B tao v6i mit phing (4BC) mot goc 60°. The tich khoi lang try da cho
bang

3 3 3
A. 24° B.“‘B. C.“‘B. p. L,
6 2 2

Céu 34: Cho hinh ling tru tam gidc déu ABC.A'B'C' cd AB =a, goc gitta duong thang 4'C va mit
phang (ABC) bang 45°. Thé tich khoi ling try 4BC.A'B'C" bang

NCAER B O3 c. a3 p O3
4 2 12 6
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Ciau 35: Cho hinh lang try tam giac déu ABC.A'B'C’' ¢6 AB =4a, goc giita duong thing A'C va mat
phang (ABC) bing 45° . Thé tich khéi lang tru ABC.4'B'C’ bing

3 3 3
A.“f. B.“f. C. 164°\3. D.af

Cau36: (Mi 104 2017) Cho khéi ling tru dimg ABC.A'B'C' c¢b ddy ABC la tam gic can véi
AB=AC=a, BAC =120°. Mit phing (4B'C") tao véi day mot goc 60°. Tinh thé tich ¥ cua

khéi lang tru di cho.
3 3 3 3
AV =22 B. V=22 c.r=L D. V=%
8 8 8 4

Cau 37: Cho lang try déu ABC.4'B'C’. Biét ring géc gitta (4'BC) va (ABC) la 30°, tam giac A'BC
c6 dién tich bang 8. Tinh thé tich khdi ling try ABC.A'B'C’.
A. 83. B. 8. C. 3\3. D. 82.

Ciu 38: Cho hinh ling try déu ABC.4'B'C’ ¢6 canh day bang a . Puong thing 4B’ tao v6i mit phang
(BCC'B') mot géc 30°. Thé tich khéi lang tru 4BC.A'B'C"theo a.

3 3 3 3
AL B. L. c. Y6, AL
4 4 12 4
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{ DANG TOAN 44: TOAN THUC TE VD - VDC J

KIEN THUC CAN NHO:

CAU 44 PTK2021 Ong Binh 1am lan can ban cong ngdi nha cia minh bang tim kinh cuong luc. Tam
kinh d6 1a mot phan ctia mat xung quanh ctia mot hinh try nhu hinh bén. Biét gia tién ctia 1m>
kinh nhu trén 12 1.500.000 d6ng. Hoi s6 tién (lam tron dén hang nghin) ma éng Binh mua tdm
kinh trén la bao nhiéu?

A. 23.591.000 déng. B. 36.173.000 ddng. C..9.437.000 ddng. D. 4.718.000 ddng.

L A%

Loi giai
4,45

Ban kinh ctia dudng tron day 1a R = oo 4,45m
2sin150

Do dé, mép trén cta tam kinh bang g dién tich xung quanh cla hinh tru c6 chiéu cao 1,35m va ban

kinhddy R = 4,45m .
S6 tién ma 6ng Binh mua tdm kinh trén 13

T=é.27th =%27z.4,45.1,35.1500000 ~9.437.000 dong.

Caul: (M4 102 2018) Mot chiée but chi c6 dang khéi tru luc gidc déu co canh day 3 (mm) va chiéu
cao bang 200 (mm). Than buat chi duoc 1am bang gd va phan 18i dugc lam bang than chi. Phan
16i c¢6 dang khéi tru c6 chiéu cao bang chiéu cao bang chiéu dai cua but va day 13 hinh tron c6
ban kinh 1 (mm). Gia dinh 1 m’ gd c6 gié a triéu dong, 1 m’ than chi c6 gid 6a triéu dong.
Khi d6 gia nguyén vat li¢u lam mot cpiéc but chi nhu trén gég nhat voi két qua nao dudi day?
A. 8,45.a dong B. 7,82.a dong C. 84,5.a dong D. 78,2.a dong

Cau2: (Mai 101 2018) Mot chiée but chi c6 dang khéi ling tryu luc gidc déu co canh ddy 3 mm va chiéu
cao bang 200 mm. Than bt chi dugc 1am bang gd va phan 15i dugc 1am bang than chi. Phan 13i
c6 dang khdi try ¢6 chiéu cao bang chiéu dai ctia but va day 13 hinh tron ¢6 ban kinh ddy 1 mm.
Gia dinh 1 m® gd ¢6 gia a (tridu dong), 1 m® than chi c6 gia 8a (tridu dong). Khi d6 gia nguyén
liéu Iam mat chiéc but chi nhu trén gan nhat véi két qua nao dudi day?
A. 9,07a (dong) B. 97,034 (d0ng) C. 90,74 (dong) D. 9,7a (d6ng)
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Cau 6:

TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

(Chuyén Lé Quy Pon Quang Tri 2019) Ngudi ta 1am ta tip co tay nhu hinh v& voi hai dau 1a
hai khéi tru bang nhau va tay cam ciing 13 khi tru. Biét hai du 1a hai khéi try dudng kinh day
bang 12, chiéu cao bang 6, chiéu dai ta bang 30 va ban kinh tay cAm 1a 2. Hay tinh thé tich vat
liéu 1am nén ta tay do.

=

A. 1087 . B. 64807 . C. 5027 . D. 5047 .

(Cum lién trwong Hai Phong- 2019) Huyén c6 mot tim bia hinh tron nhu hinh v&, Huyén mudn
bién hinh tron d6 thanh mot cai phédu hinh nén. Khi d6 Huyén phai cat bo hinh quat tron 40B
r0i dan hai ban kinh O4 va OB lai v6i nhau. Goi x 1a goc & tAm hinh quat tron dung 1am phéu.
Tim x dé thé tich phéu 1a 16n nhat?

B.Z. c.z. p. =.
3 2 4

A. Mﬂ .
3
(THPT Thing Long-HaNdi- 2019) Luong nguyén lidu can dung dé lam ra mot chiéc non 1a
dugc ude lugng qua phép tinhdién tich xung quanh ctia mit nén. Cr 1kg 1a ding dé 1am nén co
thé 1am ra s6 nén co6 tong dién tich xung quanh 13 6,13 m*. Héi néu mudn 1am ra 1000 chiéc nén
1a gidng nhau c6 dwong trinh vanh nén 50 ¢m , chiéu cao 30¢m thi can khoi lugng 14 gan nhét

v6i con s6 nao dudi day? (coi mdi chiéc nén c6 hinh dang 1a mot hinh nén)
A. 50kg . B. 76 kg . C. 48kg. D. 38kg .

(Chuyén Phan Bdi Chau 2019) Tai trung tim mot thanh phd ngudi ta tao diém nhan bang cot
trang tri hinh non c6 kich thude nhu sau: duong sinh / =10m, ban kinh ddy R = 5m. Biét rang
tam giac SAB 1a thiét dién qua truc ctia hinh nén va C 1a trung diém ciia SB. Trang tri mot hé
théng dén dién tir chay tr 4 dén C trén mat non. Pinh gia tri ngan nhit cua chiéu dai day dén
dién tu.

A.15m. B. 10m. C.5J3m. D. 5J/5m.
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(Sé Thanh Héa 2019) Mot hop dung my pham duoc thiét ké (tham khao hinh v&) ¢ than hop
13 hinh try c6 ban kinh hinh tron day » =5cm , chiéu cao /= 6cm va nap hop 1a mot nira hinh
cau. Nguoi ta can son mit ngoai ctia cai hop d6 (khong son day) thi dién tich S can son 1a

A. S=1107 cm?®. B. S=1307 cm”. C. S=160x cm*. D. S =80x cm*.

(Sé Binh Phwéc 2019) Mot do vat duoc thiét ké boi mot nira khdi cau va mot khdi ndn Gp vao
nhau sao cho day ciia khéi non va thiét dién cta nira mat cau chong khit 1én nhau nhu hinh vé
bén.

Biét khoi non c6 dudng cao gap d6i ban kinh ddy, thé tich ctia'toan bo khdi d6 vat bang 36w cm’.

Dién tich bé mit cta toan bo do vét do bang

A. 7T(\/§+3) cm’ B. 97T(\/§+2) cm’
C. 97T(\/§+3) cm’ D. 7T(\/§+2) cm’

(Chuyén PHSP Ha Ngi 2019) Mot binh dung nudc dang hinh nén (khong co day), dung day
nudc. Nguoi ta tha vao dé6 mot khoi cau c6 dudong kinh bang chiéu cao cua binh nudce va do dugce
thé tich nuéc tran ra ngoai 1a 187 dm’ . Biét rang khéi cau tiép xuc voi tat ca cac duong sinh cua
hinh nén va dung mot nira cta khoi cau chim trong nudc (hinh bén). Thé tich ¥ ciia nude con
lai trong binh bang

A. 247dm’. B. 67dm’. C. 54zdm’. D. 127dm’.
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Cau10: (THPT L& Quy Pén Pa Niing -2019) Tha mot qua cau dic c6 ban kinh 3 (cm) vao mot vat
hinh nén (c6 day non khéng kin) (nhu hinh v& bén). Cho biét khoang cach tir tim qua cau dén
dinhnon 1a 5 (cm) . Tinh thé tich (theo don vi cm?) phan khong gian kin gidi han boi bé miat qua

cau va b€ mat trong ctia vat hinh noén.

Az B. 2%, c. 1o p. 7
5 5 5 5
Ciu 11: Mot binh dung nuéc dang hinh nén (khong cé day) dung day nudc. Ngudi ta tha vao d6 mot khoi
cau c6 duong kinh bang chiéu cao cua binh nudc va do dugc thé tich nudc tran ra ngoai la
187 dm’® Biét khdi cau tiép xtc voi tat ca cac dudng sinh cua hinh nén va dang mot nira khoi
cau chim trong nudc. Tinh thé tich nudc con lai trong binh;,
A. 277 dm’ . B. 67 dm’. C. 9rdn . D. 247z dm’.
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[ DANG TOAN 45: PHUONG TRINH PUONG THANG VD - VDC J

KIEN THUC CAN NHO:

Hai duong thing d,,d, cat nhau tai diém A(x,;,;z,) va c6 vécto chi phuong |an luot 1a

ul(al,b )5 uz(az,b )
Puong thang phan giac ctia goc tao boi hai duong thang nay cé vécto chi phuwong duge xac
dinh theo cong thure
1 — 1 — 1 1
= U, =——=———(a;;b;;¢,) t ———=(a,3b,3¢,)

- 2 2 2 2 2 2
|”1| |”z| a, +b; +c a, +b; +c

<)

Chi tiét co hai phan giac:

Néu u, u2 >0=>u= ! LT u2 1a vécto chi phuong cua phan

|”1| |“2|
., e e e B N
giéc tao boi goc nhon gitra hai duong thang va u = — -y,

u2 la vécto chi phuong cua
|“1| |”2|

phan giac tao boi gbe tu giira hai dudng thang.

Néu u, u2 >0=>u= ! LT u2 1a vécto chi-phuong cua phan

|”1| |”2|

s RV 2 N |
giac tao boi goc tu gitra hai duong thangva u = H U, | | u la vécto chi phuong cua phan
U U,

gi4c tao bai goc nhon giita hai dudng thang.
CAU 45 PTK2021 Trong khong gian Oxyz , cho mit phing (P) :2x+2y—2z-3=0 va hai duong thing

dlzx_l _Y_ Z+1, d -x_zzlzz-”.f)u(‘mg thing vudng goc véi (P),déngth(‘yi cit ca

2 1 =271 2 -

dl va d2 c6 phuong trinh la:

A x-3 y-2 z+2 B x-2 y-2 z+1
2 2 -1 3 2 -2
C x—1_y z+1 D x-2 y+1 z-2
2 -2 -1 2 2 -1
Loi giai
Chon A

+) Goi M va N lan luot 1a giao diém cia dudng thang d can tim voi dl va dz, khi do
M(142t; t; =1-21), N(2+s;25;—1-35) :m:(s—2t+l'2s—t'—s+2t).
+) Puong thang d vudng goc véi (P) suy ra MN cung phuong voi nP (2 2; 1). Do do

sl _25ot s @{8_2”1:25_1 Q{SZI = M(1,0;-1)va N(3;2-2).

2 2 -1 =25+t =-2s+4¢ t=0
+) Vay duong thing can tim di qua N (3; 2; —2) va ¢6 vecto chi phuong 1a U= (2;2;-1) la:
x=3 y-2 z+2

2 2 -1
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x-=3 y-3 z+2
-1 -2 1

Ciul: (P& Tham Khio 2018) Trong khong gian Oxyz, cho hai duong thiang d, :

x=5 y+l z-2
32
(P), cat d, va d, c6 phuong trinh la

; d, va mat phang (P):x+2y+3z—5 =0. Puong thang vuéng goc vai

A x—1:y+1:£ B. x—2:y—3:z—1
3 2 1 1 2 3
C. x—3:y—3:z+2 D. x—lz +1:£
1 2 3 1 2 3

Cau2: Trong khong gian Oxyz, cho mit phang (P):x+2y+3z—7=0 va hai duong thing

x+3 y+2 z+2 o x+1 y+l z-2
2 -1 4773 2
cit ca hai dudng thang d,;d, co phuong trinh la

d, . Pudng thang vudng goéc miat phang (P) va

AL x+7=l=z—6 B. x+5:y+1:z—2
1 2 3 1 2 3
C. x+4:y+3=z+1 D. x+3=y+2=z+2
1 2 3 1 2 3
x=—1+t¢
" A . ey 2 x—=1 y+1 =z L
Cau 3: Trong khong gian Oxyz, cho hai duong thang d, : 5 :—IZT vad,:yy=—1  vamat
z=—t

phang (P) :x+y+2z—1=0. Puong'thing vudng goc véi (P) cat d, va d, co phuong trinh 1a

13 9 4 1 3 2
X+—_— y—_ z—- X—— y+—- z+-
A. > = S = N B. S — > = >
1 1 1 1 1 1
7 L2
c.—S_yH_" s p.X_Y_Z
1 1 1 I 1 1

Cau4: Trong khong gian véi hé toa do Oxyz cho diém A(1;-1;3) va hai dudng thing

x=3 y+2 =z-1
: = = , d,
3 3 -1 1 -1
vudng goc v6i dudng thing d, va cit thing d,.

x=2 y+l z-

d, 0 ! . Phuong trinh duong thang d di qua A,

x-1_ y+1 z-3 x-1_ y+1 z-3

A. B.
5 —4 2 3 -2 3
C. x—1:y+1:z—3' D. x—1:y+1:z—3'
6 -5 3 2 -1 3

Cau5: Trong khong gian véi hé toa dd Oxyz, cho diém A(l;—l;3) va hai duong thang:
x=4 y+2 z-1 d x=2 y+l z-1

o 4 2771 -l

vudng goc voi dudng thang d, va cit duong thang d,.

d . Viét phuong trinh duong thang d di qua 4,

x—1=y+l=z—3' B. x—1=y+1=z—3'c. x—1=y+1=z—3'D. x—1=y+l=z—3'
2 -1 -1 6 1 5 6 -4 -1 2 1 3
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Cau 6 Trong khong gian Oxyz, cho mit phing (P) X+2y+z-4=0 va duong thang
+1 +2 . . . 3 .
:XT = % =z 3 Phuong trinh dudng thang A nam trong mat phang (P) , dong thoi cat va
vuodng goc voi duong thang d 1a
A x—l:y+1:z—2. B. x+l:y+3:z—1‘
5 -1 2 5 -1 3
C. x—lzy—lzz—l. . x—lzy—lzz—l_
5 1 -3 5 -1 -3
a . . . 2 x+3 y+1 =z . .
Cau7: Trong khoéng gian Oxyz, cho duong thang d :T =T =—1 va mat phang
(P):x+y-3z-2=0.Goi d' la dudng thang nim trong mit phang (P), cit va vudng goc véi
d . Puong thang d' c¢6 phuong trinh 1a
A-x+1:l:z+l. .x+1:X:Z+1‘ C-x+1:X:Z+l‘ D-x+1:X:z+l.
-2 -5 1 2 5 1 -2 5 1 -2 5 -1
R o : e 1A . C o 2 x+1 y+2 z-1 |
Cau8: Trong khong gian véi hé toa d0 Oxyz, cho hai duong.thang A, : 5 = 1 = 1 va
x+2 y-1 z+2 . 2 , . , , . . .2
A, 2 = I = I Duong thang chira doan vudng goc chung cia A, va A, di qua diém
nao sau day?
A. M (0;-2;-5). B. N(1;-1;-4). C. P(2;0;1). D. O(3;1;-4).
Cau9: Trong khong gian Oxyz, cho diém A(3;2;-4) va mit phang (P):3x—2y—3z-7=0, duong
thang d : x=2 =7 +24 = it . Phuong trinh nao sau day 1a phuong trinh duong thang A di qua
A, song song (P) va ct dudng thing d ?
x=3+11¢ x =3+54¢ x=3+47¢ x=3-11t
A dy=2-54t . B.{y=2+11¢ . C.ly=2+54t . D.{y=2-47t .
z=—4+47t¢ z=—4-47t z=—4+11¢ z=—4+54¢
Ciu 10: Trong khong gian véi hé toa dd Oxyz , cho diém M (1,—3;4), duong thang
d: x;rZ = y—55 = 2_12 va mit phang (P): 2x+z—2=0. Viét phuong trinh dudng thang A
qua M vudng goc voi d va song song vdi (P).
A.A:x—l:y+3zz—4. B‘A:x—1:y+3zz—4.
1 -1 -2 -1 -1 -2
C,A;x_l:y+3=2_4, D,A,x_l:y+3=2+4
1 1 -2 1 -1 2
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x—3_y+1_z—2_d x+l y  z+4

Céu 11: Trong khong gian Oxyz, cho ba duong thing d,: " R R va
x+3 y-2 =z . B L. ‘ \ , ) \
d, :T = T =—. Pudng thang song song vdi ds, cat di va d» c6 phuong trinh 1a
A x—3:y+l:Z—2. B. x—3:y+1:Z—2_
4 1 6 —4 1 —6
c Xl_y_z-°9 p Xl r_z+4
4 -1 6 4 -1 6
; . 5 x=—1+3¢
Cau 12: Trong khong gian Oxyz, cho cic dudng thing dl:x; :y;- =Z_2 , dyiy==-2t
z=-4-t
x+3 y-2 z \ 2 o PV \: \ . \
dy: 2 :—l:g . Duong thang song song véi d, va catdong thoi d, va d, c6 phuong trinh
la:
ALy _z74 B Xl X 274
4 -1 6 4 =1 6
C. x—3:y+1:z—2_ D. x—3:y+1:z—2_
4 1 6 —4 1 —6
n . . e A . £ . x-1 y-2 z+1 . _ .
Cau 13: Trong khong gian v6i hé toa dd Oxyz, cho duong thang d : S va mat phang
(P):x+y+z-3=0.Dudng thang d"Jahinh chiéu ciia d theo phuong Ox 1én (P), d’ nhan
U= (a;b; 2019) 12 mot vecto chi phwong. Xac dinh tong (a +b).
A. 2019. B. =2019. C. 2018. D. —2020.
Ciu 14: Trong khong gian Oxyz , cho.mat phang (a):x+y—z+6 =0 va dudng thang
—1 4 .
d :xT :% :? Hinh chicu vudng goc cua d trén (ar) c6 phuong trinh 1a
A x+1:y+4zz—1. B.£:y+5:z—1
2 3 5 2 3 5
C. x+5:X:Z—1 D.zzy—Szz—l
2 3 5 2 3 5
R o . 1A . . B x-1 y-1 z=-2 . _
Cau 15: Trong khong gian véi hé toa do Oxyz, cho duong thang d : 1 = > = 1 va mat phang
(P):2x+y+22—1 =0.Goi d' 1a hinh chiéu ctia duong thang d 1én mat phang (P), véc to chi
phuong cia dudng thang d' 1a
Ao uy=(5;-6;-13).  B.u,=(5-4;-3). C.u,=(5:16;13).  D.u =(5;16;-13).
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

x=1+3¢
(M3 102 2018) Trong khong gian Oxyz , cho duong thang d :1y=-3 . Goi A la dudng thing
z=5+4t
di qua diém A(l;—3;5) va cé vecto chi phuong ;(1;2;—2) . Puong phan giac cua goc nhon tao
bdi d va A c6 phuong trinh la
x=-1+2¢ x=—1+2¢ x=1+7¢t x=1-t
A.Jy=2-5¢ B.{y=2-5¢ C.qiy=-3+5¢ D.<y=-3
z=6+11t z=—6+11¢ z=5+t z=5+7t

x=1+7¢
(M3 101 2018) Trong khong gian Oxyz , cho duong thang d :{y =1+4¢.Goi A 1a dudng thing
z=1
di qua diém A(L11) va c6 vecto chi phuong u = (1;-2;2). Pudng phan gidc cia goc nhon tao
bdi d va A c6 phuong trinh la.
x=-1+2¢ x=—-1+2¢ x=—143t x=1+7¢t

A.y=-10+11¢ B. {y=-10+11¢ C. y=l+4t D.Jy=1+¢
z=—6-5¢ z=6->5t¢ z=1-5¢ z=1+5¢

Trong khong gian v&i hé toa dd Oxyz, goi d. l1a-dudong thang qua A(l;0;2) , Cit va vudng goc
v6i duong thang d, :xT—l = % == _25 .Diém nao dudi day thude d ?

A. P(2;—L1). B. 0(0;=L1). C. N(0;—1;2). D. M(—-L-11).

. -2 -4 - 1 2
Trong khong gian (Oxyz) cho hai duong thang xl :yT:% va x23 = y+1 = Z+1 .

Goi M 1a trung diém doan vudng goc chung ctia hai duong thang trén. Tinh doan OM .

Jia

A.OMzT. B. OM =+/5 . C. OM =235 D. OM =+/35 .

Trong khong gian Oxyz, cho hai duong thang d, :XT_I = y_+11 =§, d, :%z yT—l = % Duong

thang d diqua A4(5;-3;5) lanlugtcét d,, d, tai B va C. Do dai BC 1a
A N19. B. 19. C.32. D. 24/5.

Trong khong gian véi hé toa d6 Oxyz, cho diém M (3;3;—2) va hai duong thing
x-1_ y-2 z d x+l y-1 z-—

T T T T
Ava B.Do dai doan thang 4B bang
A.3. B. V6. C. 4. D.2.

2 . Puong thiang d di qua M cit d,d, lan luot tai
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—1_y+l z-2

Ciau 22: Trong khong gian Oxyz, cho diém A(l; 2;—1), duong thing a’:x2 1 1 va mat
phing (P) :X+y+2z+1=0.Piém B thudc mit phing (P) thoa man duong thing 4B vudng
goc va cit duong thang d . Toa d6 diém B 1a
A. (3,-2;-1). B. (-3;8;-3). C. (0;3;-2). D. (6;-7;0).

A . . \ 2 x y z+1 x=3 y z-1

Cau 23: Trong khong gian Oxyzcho ba duong thang d :T = T = > A 5 = n = T

x—1 y—2 z \ z N . ) X e L . .
A, T -5 T Duong thang A vudng goc voi d dong thoi cat A, A, tuong ung tai H,K
sao cho d6 dai HK nho nhét. Biét rang A c6 mot vecto chi phuong &(h; k; 1). Giatri h—k bang
A. 0. B. 4. C. 6. D. 2.
A A R : 2 x-3_y-3_z . .

Ciu 24: Trong khong gian véi hé toa d0 Oxyz, cho duong thang (d ): 1 = S = > mat phang
(P):x+y—z+3=0 vadiém A(L;2;-1). Cho duong thang (A) di qua 4, cit (d) va song
song v&i mit phang (P) . Tinh khoang cach tir gbc toa 6.0 dén (A)

A3, B. 2. ¢ 28 p. A3
3 3 3

Cau 25: Trong khoéng gian voi hé toa d0 Oxyz4.cho hai diém A(;1;1), B(2;0;1) va mat phéng
(P):x+ y+2z+2=0. Viét phuong trinh.chinh tic ciia duong thing d di qua A4, song song véi
mit phiang (P) sao cho khoang cach.irB dén d 16n nhat.

Ag oyl _zl B.d:l=Y-2*2
3 1 -2 2 2 22
c.d:X2-r2 2 N FEL e S
1 1 -1 3 -1 -1

Cau 26: Trong khong gian véi hé toa dd Oxyz , cho hai diém A(l;2;—3) , B(—2; —2;1) va mat phéng (OL)
:2x+2y—-z+9=0.Goi M la diém thay d6i trén mit phang (OL) sao cho M ludn nhin doan
AB dudi mot goc vudng. Xac dinh phuong trinh dudng thang MB khi MB dat gi tri 16n nhat.

x=-2-t x=-2+2t xX==2+t xX=-2+t
A.Jy=-2+2t B.{ y=-2-t C.5 y=-2 D.{y=-2-¢
z=1+2t z=1+2¢ z=1+2¢ z=1

Cau27: Viét phuong trinh dudng thing « di qua M (4;-2;1), song song v6i mit phing
(@):3x—4y+z-12=0 vacach 4(-2;5; 0) mot khoang 16n nhat.

x=4-t x=4+t x=1+4¢ x=4+t
A. Jy=—2+t. B.{y=-2-¢. C.qy=1-2¢. D.sy=-2+¢t.
z=1+t z=—1+t¢ z=—1+¢ z=1+t
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Ciau 28: Trong khong gian Oxyz, cho diém A(L;1;1) va mat phing (P):x+2y=0. Goi A la duong
thang di qua 4, song song véi (P) va cach diém B (—1; 0;2) mot khoang ngan nhat. Hoi A nhéan
vecto nao dudi day 1a vecto chi phuong ?

A. u=(6;3-5). B. u=(6;,-3;5). C. u=(6;35). D. u=(6;-3;-5).

Ciu 29: Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(-3;0;1), B(1;—1;3) va mit phing
(P):x—2y+2z-5=0. Viét phuong trinh chinh tdc cta duong thing d di qua A, song song
v6i mét phang (P) sao cho khodng cach tir B dén d nho nhat.

A.d:x+3:l:z—_l. B.d:x+3= 4 :z—l.
26 11 =2 26 -11 2

C_d;x+3:l=2_1_ D.d:x+3=l=2_1_
26 11 2 -26 11 2

Ciu 30: Trong khong gian véi hé tryc toa 46 Oxyz , cho ba diém A(1;4;5),B(3;4;0),C(2;-1;0) va mat
phing (a):3x-3y-2z-12=0. Goi M (a;b;c) thudc (& ).saq cho MA®* + MB* +3MC* dat gia
tri nho nhat. Tinh tong S =a+b+c.

A. 3. B. 2. C. -2, D. 1.

Ciu 31: Trong khéng gian Oxyz, cho ba diém A(L=2 1), B(5:0;~1) , C(3:12) va mit phéng
(0):3x+y—243=0 o M(abic) 1y gix huse (D) thoa man MA? + MB* +2MC* nho
nhit. Tinh téng a+ b+ 5c.

A. 11. B. 9. C. 15. D. 14.

Céau 32: Trong khong gian véi hé true.toa d6°Oxyz cho 3 diém A(l; 1;1), B(O; 1;2) , C(—2;l;4) va mat
phang (P):x—y+z+2=0.Tim diém N €(P) sao cho S =2NA"+ NB” + NC” dat gia tri nho
nhét.

A. N —i;2;i . B. N(—2;0;1). C.N —l;é;z . D. N(—1;2;1).
33 27474

Ciu 33: (M4 110 2017) Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(4; 6;2) va B(2;—2;0)
va mit phang (P) :x+y+z=0.Xét duong thang d thay doi thude (P) vadiqua B, goi H la
hinh chiéu vudéng gbéc ciia 4 trén d . Biét rang khi d thay ddi thi A thudc mot dudng tron cb
dinh. Tinh ban kinh R cta duong tron do.

A.R=4f3 B. R=2 C.R=1 D. R=+/6
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[

DANG TOAN 46: CUC TRI HAM AN - HAM HQP — VD - VDC ]

KIEN THUC CAN NHO:

DANG 1.

DANG 2.

BAI TOAN CUC TRI HAM SO CHUA DAU TRI TUYET POI
Bai todn: Do thi ham s6 y = | f (x)| ¢6 bao nhiéu diém cuc tri

' ~ . [y — = 2/ (0L (0)
(Ap dung dinh nghia). y = f(x)=+/f"(x) = ) =—F————
VS ()

YT rw=0(2)

S6 nghiém cua (1) chinh 1a s6 giao diém cua db thi y = f(x) va truc hoanh y=0.Con s6

, Oj{ﬂth)(l)

nghiém cua (2) 1a s6 cuc tri cia ham sd y = f(x), dwa vao do thi suy ra (2) . Vay tong sb
nghiém bdi 1é clia (1) va (2) chinh 14 s6 cyc tri can tim.

Dang todn nday minh lam twa theo dé tham khdo 2018, vén xudt hi¢n ¢ dang todn ham hop,
cdc ban hoc chu y nhé!

SO PIEM CUC TRI CUA HAM HQP

Bai toan: Cho hamsb y = f (x) (Dé c6 thé cho bang ham, do thi, bang bién thién ciia
£(x),f'(x)). Tim s6 diém cuc tri ciahdm s6 y = f(u) trong d6 u 1a mot ham so déi véi x
Ta thuc hién phuong phép tuong.firxét s6 diém cuc tri cia ham sé y = f'(x)

Buéc 1. Tinh dao ham y'= u'.f'(u)

u'=0

S'(u)=0

Budre 3.Tim sd nghiém don va bdi 1é hodc cac diém ma y' khong xac dinh.

Két luan

Bai toan tim cyc tri ctia ham s g(x) = ‘f[u(x)] + h(x)‘

Buwdc 2. Giai phuong trinh y'=0< [

Budre 1. Tim cuc tri cia ham s6 v(x)= f[u (x)] +h(x)
Buérc 2. Sir dung phuong phap bién d6i do thi ham s6 tri tuyét ddi dé tim s6 cuc tri ctia ham s6

g(x)
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CAU 46_DPTK2021 Cho f(x) 1a ham bac bén thoa man f(0)=0. Ham sé f”(x) c6 bang bién thién nhu

sau:
r | = -3 —1 +00
61
~00 Y

Ham s6 g (x)= ‘f (x*)- Sx‘ c6 bao nhiéu diém cyc tri?
A. 3. B. 2. C. 1 D. 4.
Loi gigi
Chon A
Do f(x) 13 hiam béc bén va tir bang bién thién cta f'(x), ta co: f7(x) bac ba c6 2 diém cuc tri

1a -3;-1 nén f"(x)=a(x+1)(x+3).

3
Suy ra f'(x)=a[x?+2x2+3xj+b-

a(-9+18~9)+b=-1 29
a==2
Do f'(-3)=—1va s/(-1)=-L ne = 2.
o [(B)=va pr(-1)= - nén a(—1+2—3j+b=—g B
3 b=-1
S ’ 2 x3 2
uyraf(x)—j ?+2x +3x |1
Xétham sb h(x)= f(x*)<3xyc6 A'(x)=3x"f"(x")-3;
! ’ 1
h(x)=0<:>f(x3)=? (1).
T —00 -3 —1 0 +00
-1 1 +00
f!(_r) / \ 61
3
5

Dua vao bang bién thién ta c¢6
+Véi x E(—OO;O): f'(x)<0=> f'(x3)< 0,ma x1_2> 0 suyra (1) vO nghiém trén (—OO;O).
+ Trén (0;40): f'(x) e (~1;+0) = f’(x3) e (~1;+») dong bién suy ra f’(x3) dong bién ma

ham s y= Lz nghich bién nén phuong trinh (l) ¢6 khong qua 1 nghiém. Mit khac, ham s
X

y= f’(xs)_Lz lién tyc trén (0;+00) Vi }i_g}{f'(f)—%}:—oo; lim[f'(f)—%}:m

X

Nén (1) c6 diing 1 nghiém x=x,>0.
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Bang bién thién cua h(x) :

z | —o0 0 o +00
|
h(x) - i = 0 T+
h (r) e \ / e
h(.‘?’n)

Tur d6 ta co h(xo) <0 nén phuong trinh h(x) =0 ¢6 hai nghiém thuc phin biét. Mat khac
h(x) khi h(x) >0
—|n(x) = _
8x)=ph(x) [—h(x) Khi 2(x) <0
Tu d6 ham sb g(x) ¢6 3 diém cuc tri.
Caul: Cho ham sb da thic y = f(x) c6 dao ham trén R, f(0)<0-va do thi hinh bén dudi 1a do thi

cua dao ham f'(x) .Hoi ham s g (x)= |f(x) +3x| ¢6 bdo nhiéu cuc tri?

Ya

S |

N (.

A. 4. B. 5. C. 3. D. 6.
Ciu2: Cho ham sé Cho ham s y =f(x) lién tuc trén R va ham sb g(x) =2f(x)—x2 +2x+2019.
Biét d6 thi ham s6 y = f(x)nhu hinh v&.

LY
—2 ——————
I
1
'TI N 2 /3%
I
— ‘2
S6 diém cyc tri cua ham s y=g(|v) 1a
A. 5. B. 3. C. 2. D. 4.
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Ciau3: Chohamsd y= f(x) codaoham trén R, d6 thi ham sé y = f(x) 1a dudng cong & hinh v&. Hoi
ham sb 7 (x)= ‘[f(x)]2 —4f(x)+ 1‘ ¢6 bao nhiéu diém cuc tri?

2
1
1
1
! 2
1 ]
[
4 h
1
1
1
DT

A. 2. B. 3. C.5. D. 7.

Cau4: (P& Tham Khio 2020 Lan 1) Cho ham s6 bac bén y = f(x) c6 d6 thi nhu hinh bén. S6 diém

cuc trj ciia ham sb g(x) = f(x3 +3x2) la

Yy

° AV

A. 5. B. 3. C.7. D. 11.
Cau5: (M4 101 - 2020 Lan 1) Cho ham s6 bac bén £ (x) c6 bang bién thién nhu sau:

Ti—oo -1 0 1 400

- 0 + 0 — 0 +
oo 3 400
" \ / \ /
} >~ 9 )

S6 diém cyc tri cia ham s6 g(x)=x* [f(x+1)]2 1a

A. 11. B. 9. C.7. D. 5.
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Cau 6: (M4 102 - 2020 Lan 1) Cho ham s6 bac bén £ (x) c6 bang bién thién nhu sau:

T |—oo -1 0 1 +00

f'(x) - 0 = 0 + 0 =

ol NN

S6 diém cyec tri ctia ham s6 g(x)=x’ [f()c—l)]4 1a

A. 7. B. 8. C.5s. D. 9.

Cau7: (Mi 101-2020 Lan 2) Cho hamsé f(x) ¢6 f(0)=0. Biét y = f'(x) 1a ham s6 bac bon va

¢6 d6 thi 1a duong cong trong hinh bén. S6 diém cuc tri ciia ham sé g(x) = ‘ f (x3)— x‘ la

y y=f'(x)

A. 5. B. 4. C. 6. D. 3.
Chu8:  (M& 102 - 2020 Lén 2) Cho him s6 f(z) c6 f(0) = 0. Biét y = f'(z) 12 ham s6 bac bén va
¢6 db thi 1a duong cong trong hinh bén. S6 diém cuec trj cuia ham s ¢ (x) = ‘ f (x?’) + x‘ la

Y

/ 0 \ T
y=f(x)
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Cau9: (M4 103 - 2020 Lan 2) Cho hamsé f(x) c6 f(0)=0.Biét y = f'(x) la ham s bac bon va

la

¢4 d6 thi nhu hinh v&. S6 diém cuc tri ciia ham s6 g(x)= ‘f(x“)—x2

AV

y=J(x)

AN/

Nl

Y

A. 4. B. 3. C.é6. D. 5.
Cau10: Cho y=f (x) 12 ham da thirc bic 4 va c6 do thi nhu hinh.v8, C6 bao nhiéu gia tri nguyén cta

tham s6 m thudc doan [-12;12] dé ham s g(x)= |2f(x -1)+ m| c6 5 diém cuc tri?

<,._.,,
B

] U

A. 13. B. 14. C.15. D. 12.

Ciu 11: Chohamsd y= f(x) c6 dao ham lién tuc trén R va f(O) =0;f(4) >4 . Biétham y = f’(x)

¢ dd thi nhu hinh vé.

A. 2. B. 1. C. 4. D. 3.
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Cau 12: Cho dd thi y = f(x) nhu hinh v& dudi day:

Goi S la tap hop tit ca cac gia tri nguyén duong cia tham s6 m dé ham sb

1 4 . A A 2 r .7 . 5 7 A 5 A
y= ‘f(x + 2018) +§m2 c6 5diém cuc tri. Tong tat ca cac gia tri cia cac phan t trong tap S

bang

A. 6. B. C.7. D.9.

5
Céu 13: Cho ham s6 bac ba y = f () c6 do thi cia ham dao ham f () nhu hinh v& va f(b) = 1.86 gia
5} dé ham sb g(m) = ‘fz (ZL‘) + 4f(x) + m‘ ¢6 dung 5 diém cyc tri 1a

" f
3

tri nguyén ciia m € [—5;

i b &

N/

o

A. 8. B. 10. C.9. D. 7.
Ciu 14: Cho hamsd y=f (x) c6 d thi nhu hinh v& bén dudi. C6 bao nhiéu gia tri nguyén cia tham sb

thuc m déhamsd g(x)= ‘f(x+2020)+m2‘ ¢6 5 diém cyc tri?

+

-6

Al B.2 C.4 D.5
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cho ham s6 y = f(x) c6 @6 thi nhu hinh v& bén dudi
y y = f(z)

1
|
|
|
|
i
1 3

Tim tat cd cc gid trj cia tham s6 m dé do thi ham s6 & (x)= ‘fz (x)+2f(x)+ 2m‘ c6 dung 3

diém cuec tri.

A. m>1 B. m>1 C.m<2 D.m>2

Cho hai ham da thitc y = f(x), y=g(x) c6 d6 thi la hai duong cong & hinh v&. Biét ring dd

thi ham s6 y = f(x) c6 ding mot diém cyc tri la A4, dd thi ham s6 y = g(x) c¢6 dung mot diém
cuctrila B va AB= % C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc khoang (—5;5) dé

ham sé y = Hf(x)—g(x)|+ m‘ c6 dung 5 diém cyc tri?
b /

Y4 |
\ 4 Jy=1@
\ A \ /

Vo

/
/ \ Y= 9(x)

o
s
=~V

A. 1. B. 3. C. 4. D. 6.

(Pé Tham Khao 2018) C6 bao nhiéu gia tri nguyén ctua tham s m dé ham s
% =‘3x4 —4x* —12x7 +m‘ c6 7 diém cuc tri?
A. 5 B. 6

C. 4 D.3

Tim sO céc gia tri nguyén cua tham so m dé do thi ham s0 y = |x* —2mx” +2m* +m—12| c6

bay diém cuc tri

A. 1. B. 4. C.0. D. 2.

Cho ham s6 y =|x* —2mx> +2m—1| v6i m 1a tham sb thuc. S6 gia tri nguyén trong khoang

[—2;2] ctia m dé ham sb di cho c¢6 3 diém cyc tri 1a

A. 2 B. 4 C.3 D. 1

Tap hop céc gia tri cia m dé ham sd y = |3x4 —4x’ —12x" +m —1| ¢6 7 diém cyc tri la:

A. (0:6) B. (6;33) C. (1;33) D. (1;6)
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Cau 21:

Cau 22:

Cho ham sd y = f(x)=x’ —(2m—1)x> +(2—m)x+2. Tim tat ca cac gia tri cia tham sé6 m dé

hamsb y= f(|x|) ¢4 5 diém cyec trj.

A.§<m£2. B. —2<m<§. C. —§<m<2. D.§<m<2.
4 4 4 4

Hinh vé& bén 1a d6 thi ciia ham s6 y = ().

o

i Q

—6F---

Goi S 1a tap hop céc gié tri nguyén duong cta tham 86 » déham sé y = |f(x—1) + m| co 5

diém cuc tri. Tong gia tri tat ca cac phan tur ciia S bang

A. 9. B. 12. C..18. D. 15.
Céu 23: C6 bao nhiéu gia tri nguyén cia tham s§ m “d&ham sé y =[3x° —25x° +60x + m‘ ¢6 7 diém cuc
tri?
A. 42. B. 21. C. 40. D. 20.
Cau 24: Cho hamsd y = f(x) c6 bangbién thién nhu hinh v&
X —a0 1 2 +o0
(%) + 0 - 0 4+
400
11
Y|
D6 thi ham s6 y = f (x)—2m| c6 5 diém cyc tri khi va chi khi
11 11
A.me(4;ll). B. me 2;? . C. m=3. D. me 2;3 .
Céu 25: Hinh v& bén 12 d6 thi ciaham s6 y = f (x). Goi S 1a tap hop cac gia tri nguyén duong cia tham
s& m dé dd thi ham s§ y = |f(x - 2) + m| ¢6 5 diém cyc tri. Tong gia tri tit ca cac phan tir cia
S bang
A. 15. B. 18. C.9. D. 12.
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Cau 26: Cho hamsé y = f(x) c6 bang bién thién nhu hinh v&

X — 1 2 40
£(x) + 0 - 0 +

11 +o
f(x) _x / \ ) /

DY thi ham s y =|f (x)—2m| c6 5 diém cyc trj khi va chi khi

A. me(411). B.me(Z;l—;j. C.m=3. D.me[Z;%l]

CAu 27: (M4 101 - 2019) Cho ham sé y = f(x), bang bién thién ciia ham s6 /"'(x) nhu sau:

T - -1 0 1 +00

+oo 2 +00
F(@) \3 / \_1 S/

S6 diém cyc tri cia ham s6 y = f(x2 - 2x) la

A. 9. B. 3. CH. D. 5.

Ciu 28: (Mi 104 - 2019) Cho ham sb f(x) , bang bién thién ctia ham s6 f’(x) nhu sau:

i =l 0 1

00

e \g /2 \_l/x

S6 diém cyc tri cia ham s6 y = f(4x2 +4x) la

A.S. B. 9. C.7. D. 3.

Cau29: Chohamsé f(x) c6 dao ham lién tuc trén R . D6 thi ham sé y = f(x) nhu hinh v& bén. Ham

s6 y= f()c2 + 4x) — x> —4x ¢6 bao nhiéu diém cuc tri thudc khoang (—5;1) ?
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Cau30: Chohamsd y= f(x) ¢ dao ham dén cap hai trén R va c6 bang xét ddu ciia ham s y = f'(x)

nhu hinh sau:

—00 -2 0 4 +00

() ‘ B 0 + 0 _ 0 4

3
c s Je X . 2 . 2.2 \ L a:A
Hoéi hamso g (x) =f (1 - x) +? —2x% +3x dat cuc tiéu tai diém nao trong cac diém sau?

A. x=3. B. x=0. C. x=-3. D. x=1.

Cau31: (Ma 103 -2019) Cho ham sé f/(x), bang bién thién cia ham sé f”(x) nhu sau:

-0 -1 0 1 +0
f(x) | += / 2 \ +a0
-3 -1
S cuc tri cia ham s6 y = f(4x2 —4x) la

A. 3. B. 9. C.5. D. 7.

Céu 32: Cho ham s6 bic ndm y = f(x) c6 dd thi y =f*(x) nhu hinh bén. S6 diém cuc trj cua ham s6

g()c)zf(x3 +3x2)—2x3 —6x" 1a

¥

A. 5. B. 7. C. 10. D. 11.
Cau 33: Chohamsd f(x) c6 daoham f'(x) co dd thi nhu hinh vé&.

3
. X Py N
Ham s6 g(x) = f(x) 3 + x> —x+2 dat cyc dai tai diém nao?

A, x=2 B. x=0 C.x=1 D. x=-1
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Cau 34: Cho ham sd y = f(x) c6 dd thi nhu hinh v& bén. C6 bao nhiéu gia tri nguyén cta tham sb m dé
ham s6 g(x)=|/ (x +2018)+m?| ¢6 5 diém cyc tri?

A. 1. B. 2. C. 4. D. 5.

Cau 35: Cho ham da thic y = f(x) dao ham trén R, £(0)<0 va c6 do thi ham s6 f'(x) nhu hinh v&

Y

S6 diém cye tri cua ham sé g (x) =|f(x)+3x]| 1a
A. 5. B. 6. C. 4. D. 3.
Cau 36: Cho hamsd f(x)=ax’+bx+c(a#0) c6 dd thi 1a parabolnhy hinh v&. Tim m d¢ gié tri lon
nhit ciia ham sé y = |f(x) +m —4| trén [—2;1] dat gia'trj nho nhét.

v

[= 1
[=1

| I |
S0 ¢ |

A. m=5. B. m=4. C. m=3. D. m=1.

Cau37: Chohamsd y= f(x) xac dinh, lién tyc trén R va c6 dung hai diém cuc tri x =—-1,x=1,c6 dd

thi nhu hinh v€ sau:

M — — — = = = — =

Ho6i ham s6 y = f(x2 —2x+ 1) +2019 c6 bao nhiéu diém cyc trj?

A. 4. B. 3. C.1. D. 2.
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Cau 38:

Cho ham s6 y = f(x) c6 dao ham trén R . D4 thi ham s6 nhu hinh v& bén dusi.

I
|
[

S6 diém cuyc tiéu cua ham sb g(x) = 2f(x+ 2)+(x+1)(x+3) la

A. 2. B. 1. C. 3. D. 4.
Cau 39: Cho ham sé f(x) c6 f'(x)= x(x—l)(x2 —2mx+1). Hoi ¢ tit ca bao nhiéu sé nguyén m

khong vuot qua 2018 sao cho ham sé g (x)= f(xz) ¢ 7 diém cuc tri?

A. 2019. B. 2016. C. 2017. D. 2018.
Cau 40: Cho ham s y = f(x) c6 dao ham f”(x)=(x—1) (x* —2x)v6i moi x €R. C6 bao nhiéu gia

tri nguyén duong ctia tham s6 m dé ham s6 g(x)= f()c2 ~8x + m) c6 5 diém cuc tri?

A. 15. B. 16. C.17. D. 18.
CAu 41: Cho ham sb y = f(x) c6 dao ham lién tuc trén R va bang xét dau dao ham

X —0 -2 2 +00
(=) -~ B $ 0 -

Ham sb y=3f(—x" +4x><6)+2x° —3x* —12x” ¢o tit ca bao nhiéu diém cyc tiéu?

A. 3. B. 0. C. 1. D. 2.
Cau 42: Cho ham s6 y = f(x) c6 bang bién thién nhu sau

xr |—o0 -1 0 1 +00
f(x) -0 + 0 - 0 +
+00 . +oo
e / \ /
—2 —2
S6 diém cuc tiéu cia ham s6 g(x) = f° (x3 +3x) 1a
A. 5. B. 2. C. 3. D. 4.
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Cau 43: Cho hamsbbacba y = f(x) c6 dd thi nhu hinh v&.

"I.'-I

&

X

Ham sd y = ‘f(|x + 1| - 1)‘ c6 bao nhiéu cuc tri?
A. 11 B. 7. C.5S. D. 6.
Ciu 44: Hinh vé& 13 d6 thi ham s6 y = f(x). Goi S 1a tap hop cac gia tri nguyén dwong clia tham s m

déhamsd y = | f(x—D+ m| c6 5diém cuec tri. Tong gia tri tat ca cac phan tir ciia S bang

¥

\Jﬁ\;,/af

4\
A\/
NAY,

A. 9. B. 12. C. 18. D. 15.

e

CAu45: Chohamsb y = f(x) c6 dd thi nhu hinh v& bén dudi

/

C6 bao nhiéu gié trj nguyén cta tham s6 m déham s6 g (x)=f(jx+m|) co 5 diém cyc tri?

A. 3. B. 4. C.5. D. Vo sb.
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Ciu 46: Cho ham s y:f(x):ax4+bx3+cx2+dx+e ¢6 @6 thi nhu hinh v& bén. Hoi ham s

y= f(|x +]| —3) ¢ bao nhiéu diém cuc tri?

() \Y
1\/
2 /IY |
\V ol 1 T
A. 3. B. 5. C. 6. D. 7.

Cau47: Cho ham sb y=f(x) x4c dinh trén R va ham sd yzf'(x) ¢6 @6 thi nhu hinh bén. Dit

g(x)= f(|x|+m).Co bao nhiéu gia tri nguyén ctia tham s6 m déham s6 g(x) c6 dang 7 diém

cuec tri?

A. 2. B. 3. C. 1. D. Vo sb.

Cau 48: Cho ham sd y=f (x) co bang bién thién nhu hinh ve

x -0 -1 3 -0
' + 0 - 0 -
b -+
- -
1@
—_ - 3

Ham sb y = |f(1 —3x)+ 1| c6 bao nhiéu diém cuc tri?

A. 2. B. 3. C. 4. D. 5.

Cau49: Cho ham s5 y=f(x) c6 bang bién  thién nhu  hinh V&

xr |—oo 1 2 +oc
f + 0 - 0 +
11 +oc

Biét d6 thi ham s g(x)= |f(x)—m| ¢6 5 diém cyc tri. Khi d6 sb cac gia tri nguyén cia tham

sOcua m la

A. 6. B. 7. C. 8. D. 9.
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Cau 50: Cho ham sé y = f(x) c6 bang bién thién nhu hinh v&

x —0 1 2 +ao0
— 0 +

T 0
7G| / “\ 4/, -

DO thi ham s6 y = f (x)—2m| 6 5 diém cyc trj khi va chi khi

A.me(4;11). B.me(z;%) C. m=3. D.me{Z;%]
Cau51: Chohamsé y = f(x) c6 bang bién thién nhu hinh vé.

x o 1 3 o

+ 4] 0 +
. T _
/ \‘ . /
86 diém cyc trj ciia ham s6 y = f(|2x+1]+3) 1a

A. 1. B.5. C. 0. D. 3.

Cau 52: Cho ham s6 f(x)lién tyc trén R va c6 bang xét dau nhu sau:

x | = 0 2 +oo
) + 0 - 0 +
S6 diém cyec tri cua do thi ham sé g(x) = f(|2x—-3|-2) la
A. 5. B. 4. C. 3. D. 7.
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[ DANG TOAN 47: TiM SO GIA TRI NGUYEN THOA BIEU THUC MU — LOGARIT J

CAU 47_DPTK2021 C6 bao nhiéu sé nguyén a(a >2) sao cho ton tai s thuc x thoa man:

(ak’gx + 2)loga =x-2
A.8. B. 9. C. L D. V6 sb.
Loi giai:
Chon A
biéu kién: x> 2. bat m=loga >0
Khi d6 phuong trinh tré thanh: (x’" + 2)m =x-2.
bat y=x"+2, y>2 thitaco hé phuong trinh
y'=x-2 (1)
{X’” =r=2 (2)
Lay (1) — (2) vé theo vé ta dugc
V' +y=x"+x" (3)
Xétham f(¢)=1"+t v6i m>0;¢>0 co-F (1) =ms"" +1>0, Vt>0
= f(t)=1"+t ddng bién (0;+).
Dodé (3) = y=x
Sx"=x-2
< m.logx =log(x—2)

3 10g(x—2) -
- log x

=m 1

= loga<l
= a<10.
Do d6, moi s0 a €{2;3;4;...;9} déu théa man.

Caul: C6bao nhiéu cip sd nguyén (x;y) théa man 2 <x <2021 va 2’ —log, (x+2y'1)= 2x—y?
A. 2020. B. 9. C. 2019. D. 10.

Cau2:  C6 bao nhiéu cip s6 nguyén (x;y)théa man 0< y <2020 va 3" +3x—6=9y+log, y’.
A. 2020 B. 9. C.7. D. 8.

Ciu 3: C6 bao nhiéu cip sd nguyén duong (x; y) voi x <2020 théa man

2(3x-y)=3(1+9")~log, (2x~1)

A. 1010. B. 2020. C.3. D. 4.

Cau4:  C6bao nhiéu cip sd nguyén (a;b) théaman 1<a <100 va 2¢ <3” <2°'?

A. 163. B. 63. C. 37. D. 159.
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Cau5: (6 bao nhiéu cap sd nguyén (a;b) véi 1<a<b<100 dé phuong trinh a"Inb=>b"Ina co

nghiém nhd hon 1?
A. 2. B. 4751. C. 4656. D. 4750.

Ciu 6:  C6 bao nhiéu s6 nguyén x sao cho ton tai sé thuc y thoa man 4 = 3709
A. 3. B. 2. C.1. D. Vo sb.

Cau7: C6 bao nhiéu cap sd nguyén (a;b) véi 1<a<100; 1<b <100 sao cho ton tai diing 2 s thuc

x théaman a™* +l =b" +l?
a
A. 9704 . B. 9702. C. 9698. D. 9700.

Cau8: C6 bao nhitu cip s6 nguyén (x;y) théa man 1<x<2020, y>2 va

x2+x—xy=xlog2(xy—x)—2x

A. 2021. B. 6. C. 2020. D. 11.
A ’ ‘A w A N 5 ~ S 2X - 1 X
Cau 9: (o bao nhiéu cdp s6 nguyén (x;y) thoa man 0 < y <2020 va log, =y+1-2"7
A. 2019. B. 11. C. 2020. D. 4.
{ DANG TOAN 48: UNG DUNG, FICH PHAN VE Ti SO DIEN TiCH }

CAU 48 PTK2021 Cho ham sb bac ba_p=f’ (X) c6 do thi 1a duong cong trong hinh bén. Biét ham sb

£ (x) dat cuc tr tai hai diém X, X, thoa man X, =X +2va f(x)+/(x,)=0.Goi S| va S, 1a

dién tich ctia hai hinh phang duoc gach trong hinh bén. Ti sb % bang:
2

Y3

N |
N ld
NS

>

A2 B.>. .3 D.3.
4 8 8 5
Loi giai
Chen D
Tinh tién diém ubn vé géc toa do, ta dugc hinh vé bén dudi.
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Y s

Khi d6, do f (x) Ia ham bac ba, nhan géc toa do 1a tam doi xtng nén X 2—1;)62 =1
Chon f'(x)=3x"-3= f(x)=x"-3x.

0
Nén Szzj(x3—3x)dx=§; S +8,=2=8, 353
% 4 478, 5

2
A ~ \ M 3 \ 2 \ A
Caul: (Ma104-2019) Cho duong thang y = Ex vaparabol y =Xx" + a (alatham s6 thuc duong).

Goi S, ,S, lan luot 1a dién tich hai hinh phing dugc gach:chéo trong hinh v& bén. Khi S, =S,
thi a thudc khoang nao dudi day?

1 9 29 9 1
B.| —— C.|=— D. | —;—
216 5°20 20 2

Cau2: (Mi 102 -2019) Cho duong thang y = %x va parabol y = %xz +a, (a 1a tham s6 thuc duong).
Goi §,, S, 1an luogt 1a dién tich ciia hai hinh phang dugc gach chéo trong hinh vé bén. Khi S =5,
thi a thudc khoang nao dudi day?

by
Yy = ﬁ I
S, ' 4
e 2
A. l,l . B. l,i . C. i,l . D. 0;i .
32° 4 432 16 32 16
Gido vién: Hupnh Vin Anh — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 225

Chuyén luyén thi: Tuyén sinh vao l6p 10 TP. Hué — Tot Nghi¢p THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cau3: Cho parabol (B):y=—-x"+2x+3 cit truc hoanh tai hai diém 4,B va duong thang d:y=a
(0 <a< 4) . Xét parabol (Pz) di qua A4, B va c6 dinh thuoc duong thang y=a. Goi S, la dién
tich hinh phang gi6i han béi (B) va d .Goi S, la dién tich hinh phing gi6i han boi (B) va truc
hoanh. Biét S, = S, , tinh T =a’ —8a’ +48a.

A. T=99. B.T=064. C.T=32. D.T=72.
Cau4: Goi S la dién tich hinh phing gi¢i han béi cac duong my = x*, mx =y’ (m>0). Tim gié trj cla

m dé S=3.
A. m=1 B. m=2 C. m=3 D. m=4

Cau5:  Cho hinh thang cong (H) gi6i han béi cdc dudng y=e", y=0, x=0, x =In4. Dudng thang
x=k (0<k<In4) chia (H) thanh hai phan c6 dién tich 1a S, va S, nhu hinh v& bén. Tim &

de S, =285,.
. /
/
/
/
/
1 / S,
— ‘7// Sl | X
] k In 4
4 8
A.k=§1n2. B.kzlng. C.k=In2. D. k=In3.

Cau 6: Hinh phang (H) dugc gidi han béi dd thi clia hai ham sé da thitc bac bén y =7 (x) va y=g(x).
Biét rﬁng dd thi cau hai ham s nay cit nhau tai ding ba diém phan biét c6 hoanh d¢ lan luot 1a
~3;—1; 2. Dién tich ctia hinh phang (H) ( phan gach soc trén hinh v& bén ) gin nhit vai két qua

nao dudi day?

/]
\._\ ; __rl.
A. 311 B. 2,45 C. 3,21 D. 2,95
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Cho ham s6 y=x*—6x"+m c6 a6 thi (C, ). Gia sit (C, ) cét truc hoanh tai bon diém phan biét
sao cho hinh phang giéi han bai (Cm ) va truc hoanh c6 phéan phia trén truc hoanh va phan phia

e \ rodiA .r M gy a . N oA A a ..
dudi truc hoanh c6 dién tich bang nhau. Khi d6 m = N (v6i a, b 1a cac so nguyén, b>0, 5 la

phan s6 tdi gian). Gid tri cua biéu thic S=a+b la:
A. 7. B. 6. C.5. D. 4.

. S 1 1 ‘
Cho cac s0 p,qg théa man cac dieu kién: p>1, g>1, —+—=1 vacac so duong a,b. Xét ham
q

sb: y=x""(x>0)c6 do thi 1a (C). Goi (S,) 1a dién tich hinh phing gi6i han béi (C), truc
hoanh, dudng thang x = a, Goi (5, ) 1a dién tich hinh phang gi6i han béi (C), truc tung, duong
théng y=b, Goi (S ) la dién tich hinh phéng gidi han boi truc hoanh, truc tung va hai duong
thang x = a, y=b.Khiso sanh S, +S, va S tanhin dugc bét dang thirc nao trong cac bat dang
thirc dudi day?

Hi r=a

b

IJ_"J

4

5y

)4 q p-1 q-1 p+l g+1 )4 q
ALY B. 2 sap. . L .Y
P q p-1 qg-1 p+l g+l P q

Cho parabol (P):y=x"va mt duong thang d thay doi cit (P) tai hai diém A4, B sao cho
AB=2018. Goi S 1a dién tich hinh phing gi¢i han bdi (P) va dudng thing d . Tim gid tri 16n
nhat S cla S.

2018 +1 o o 2018 g -1 2018

A' Smax = max max max
3 6 3

Gido vién: Huynh Vin A'n7h — 42 Nguyén Cw Trinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 227
Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tot Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cau 10:

Cau 11:

Cau 12:

Trong hé tryc toa d9 Oxy, cho parabol (P): y = x* va hai duong thing y=a, y=b (0<a<b)
(hinh v&). Goi S, 1a dién tich hinh phang gi6i han béi parabol (P) va dudng thang y=a (phan
to den); (S2 ) 1a dién tich hinh phang gidi han bai parabol (P) va dudng thang y =b (phan gach

chéo). Véi diéu kién nao sau ddy ctia ¢ va b thi S, =S,?

B4
y=\x
vrl ),

A. b=34a. B. b=32a. C. b=33a: D. b=3/6a.

Mot khuon vién dang nira hinh tron, trén d6 nguoi thiét képhan dé trong hoa c6 dang cia mot
cénh hoa hinh parabol c6 dinh tring véi tim va c6 truc ddi ximg vudng goc voi duong kinh cia
ntra hinh tron, hai ddu mat cua canh hoa nam trén'nira dudng tron (phan t6 mau) va cach nhau
mot khoang bang 4(m). Phan con lai cua khuon vién (phan khong t6 mau) danh dé trong c6 Nhat
Ban. Biét cac kich thudc cho nhu hinh v&, chi phi dé trong hoa va co Nhat Ban twong tng 1a
150.000 d6ng/m> va 100.000 dong/m’."Ho6i can bao nhiéu tién dé trong hoa va trong co6 Nhat
Ban trong khudn vién d6? (S6 tién duoe lam tron dén hang don vi)

A. 3.738.574 (ddng). B. 1.948.000 (dong). C. 3.926.990 (dong). D. 4.115.408 (dong).

Ngudi ta cn trong mot vuon hoa Cam Ta Cau ( phan dugc gach chéo trén hinh v&). Biét ring
phan gach chéo 13 hinh phang gii han boi parabol y = 2x” —1 va nira trén clia dudng tron c6 tim
1a gdc toa do va ban kinh bang V2 (m) Tinh s6 tién t6i thiéu dé trong xong vuon hoa Cam Ta

Céu biét rang dé trong mdi m* hoa can it nhat 1a 250000 dong.

3r-2 37+10 37+10 3r+2

A. x250000. B. x250000. C. x250000. D. x 250000
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Ciu 13: Nha truong dy dinh lam mot vuon hoa dang elip duoc chia ra 1am bn phan bai hai dudng parabol
c6 chung dinh, doi xtng voi nhau qua truc cia elip nhu hinh v€ bén. Biét d6 dai truc 16n, truc
nhé cuaelip lan lugt1a 8 m va 4 m, F, F, 1a hai tiéu diém cua elip. Phan 4, B dung dé trong
hoa, phan C, D dung dé trong co. Kinh phi dé trong mdi mét vudng hoa va cé lan luot 1a
250.000 d va 150.000 d. Tinh tong tién dé hoan thanh vuon hoa trén (Iam tron dén hang nghin).
A. 5.676.000 d. B. 4.766.000 d. C. 4.656.000 d. D. 5.455.000 d.

[ DANG TOAN 49: MAX — MIN SO PHUC J

CAU 49_PTK2021 Xét hai s6 phuc z;z, théa man |z|=1L|z,|=2 vi |z, —z,|=+3 . Gia tri 16n nhét ciia

|3z1 +z, —5i| bang
A. 5-19. B. 5+4/19 . C. —5+2419. D. 5+2419.
Loi giai
Chon B
Goi 4 la diém biéu dién s6 phuc z,;
B 14 diém biéu dién s6 phuc z,;
C la diém biéu dién sé phitc @ =3z, +z, ;diém "M =(0;5)

2 2_ 2
Ta c6: OC =30A4+ 0B = 0C* =904 + 0>+ 94108 =48 _

= |o]=+19
Ta nhan thdy MC < OM +OC
Lic nay P= |3z1 +z, —5i| 16n'nhit< MC16n nhit < O,M,C thing hang (O nam giira M va

19

C).Suy ra MaxP=0M +R=5++/19 .

Caul: (P& Tham Khio 2018) Xét s6 phic z=a+bi (a,b€R) thoa man |z—4-3i|=+/5. Tinh
P=a+b khi |z+1-3i|+|z—1+i| dat gia tri 16n nht.
A. P=38 B. P=10 C.P=4 D. P=6

Cau2: (D& Tham Khio 2017) Xét s phirc z thoa man |z+2—i|+|z—4-7i|=672. Goi m, M lin

luot 14 gid tri nho nhét va gia trj 16n nhat ca |z —1+i|. Tinh P=m+M.

I S N O Y NN

2

Cau3:  Cho hai s phic z,z, thoa man ddng thoi hai diéu kién sau |z -1/ = /34,

z+1+mi|=|z+m+2il

(trong d6 m 14 s6 thuc) va sao cho |z1 - ZZ| 1a 16n nhét. Khi d6 gia tri |z1 + 22| bang

A2 B. 10 C.2 D. V130
Chud:  Choso phic z thoa man |z—2—2i|=1. Sé phitc z—i c6 mddun nho nhat la:
A V5-2. B./5-1. C.\5+1. D. VJ5+2.
Gido vién: Hupnh Vin Anh — 42 Nguyén Cw Trinh — Thudn Hoa — TP Hué — DT: 0984164935 Page 229

Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tét Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Chu5:  Cho sd phuc z thoa man |z—2-3i|=1. Tim gié tri 16n nhat cta |7 +1+i|.

A. V13 +3. B. /13 +5. C. J13+1. D. JV13+6.

Cau 6: Cho s phuc z thoa man ‘z +;‘+‘z—z‘ =4 . Goi M, m 1an luot la gia tri 16n nhét va gia tri nhd
nhat cia P=|z—2-2i|. Dgt A=M +m.Ménh dé nao sau day 1a diing?
A. Ae(J3_4;6). B. Ae(6;\/ﬁ). C. Ae(%ﬁ;@). D. Ae(4;3\/§).

Cau7: Chosb phuc z thda man |z - 6| + |z + 6| =20.Goi M, n lan luot 1a médun 1én nhat va nho nhat

cuaz. Tinh M —n
A M-n=2. B.M-n=4. C.M-n=17. D.M-n=14.

, 80 phltc z ¢6 md dun nho nhat cé phan ao

Cau 8: Trong céac sb phiic z thoa min |z—1+i| :‘2+1—2i
la

A B.>. c.-2. D. -2

10 5 5 10

, (trong d6

Cau9: Goi S la tap hop cac s6 phirc z théa man |z—1|:\/3ﬁ va |z+1+mi|=|z+m+2i
meR).Goi z,, z, 1a hai s6 phirc thude S sao cho |z, +z,| 16n nhét, khi d6 gid tri cua |z, + z,|
bang
A.2 B. 10 C.\2 D. V130

Ciu 10: Cho hai s6 phirc z,w théa méin ‘2—3\/5‘ ¥ \/5,

w—4\/§i‘ =22 . Biét rang |z - w| dat gié tri
nho nhét khi z=z,, w=w,. Tinh"3z, —w,|.
A.2V2. B 42 C. 1. D. 62.

Céau 11: Cho hai s6 phtic z va w théa min z+2w=8-6i va |z - w| =4. Gia tri 16n nhét cta biéu thirc
|z|+|w| bang
A. 46, B. 24/26. C. J66. D. 3/6.

Céu 12: Cho s phic z thoa min |lz|=1.Goi M va m lan luot 12 gia tri 10n nhat va gia tri nho nhat cua

biéu thitc P =|z+1|+|z> —z+1|. Tinh M.m

JNRENER B. 2. C. 33, p. 3
4 4 4

Cau 13: Goi z=a+bi (a,b € ]R) lasb phuc thoa man diéu kién ‘z —1- 2@" + ‘z +2— 32" = \/E va

c6 md dun nho nhét. Tinh S =T7a +b?
A. 7. B. 0. C.5. D. -12.

Céu 14: Cho sb phirc 2 thoa man ‘z + Z‘ 42 ‘z _ Z‘ — 8. Goi M,m 1an luot Ia gi4 tri 16n nhit, nho nhat

ctia biéu thirc P = ‘z —3- 34.Tinh M+m.

A. 10 + /34 . B. 24/10. C. 10 + 58 . D. V5 +58.
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Cau 15:  Cho sd phirc z ¢6 |z|=1. Tim gié trj 16n nhét cua biéu thirc P = ‘zz - z‘ + ‘zz +z+ 1‘ .

A3 B.3 C.\3 p. U

4 4

Cau 16: Giasirz,, z, 1a hai trong céc sd phirc thoa man (z - 6)(8 + 2) 1a s6 thyc. Biét ring |Z1 —Zz| =4,
gia tri nho nhét cua |Z1 + 322| bang
A.5-/21 B. 20- 4421 C. 20 -4~/22 D.5-22

Cau 17: Cho s6 phuc - théa man |Z—2i|£|z—4i| va |Z—3—3i|=1. Gia tri 16n nhét cia biéu thirc
P:|Z—2| la:

A. \/1—3+1, B. x/F)+1. C. \/1_3, D. \/F),

Cau 18: Xét sb phic - thoa man |z—2—2i|=2. Gi4 tri nho nhét ciia biéu thic P=|z—1—i+|z—5-2i]
bang
A. 1410, B. 4. .17 D. 5.

Cau 19: Cho s phic - thoa man [z—3—4i|=+/5 . Goi M va M1an lugt 13 gid tri 16n nhit va gid tri nho

A 5 < R /. 2 .2 A 5 A ’ . 1N
nhat cua bieu thirc P =|z+2[ —|z—i . Modun ciia 6 phirc w=M +mi 1a

A. |W=3V137. B. [u|=+/1258. C. [ =24309. D. [W=2V314.

Cau 20: Cho céc s6 phic W, - thoa man |w 1] =¥ va 5w =(2+1)(z—4). Gié tri 16n nhat ciia biéu
thire P=|z—1-2i|+|z—5-2i| bang
A 67, B. 44213, c. 233, D. 4/13.

Cau2l: Xét cac sb phic =a+bi (abeR) thoa min |z—3-2{]=2. Tinh a+b khi
|Z+l—2i|+2|z—2—5i| dat gia tri nho nhat.
A 43, B. 2+3. C.3. D. 4+3.

Ciu 22: Biét rang hai s6 phtic Z,, Z, tha méin |Z1 —3—4i| =1 va |z, -3-4i =%. S6 phtic - ¢6 phan thuc

la @va phan 4o 1a b thoa man 3a—2bh=12. Gia tri nho nhat cia P= |Z—Zl| +|Z—2Zz| +2 bang:

A. Pm=—“919145. B. P, =5-23. C. Pm=—“919345_ D. P, =5+245.

Cau 23: Cho s6 phtic - thoa man |2 =1. Gia tri 16n nhit ciia biéu thic P =1+ z|+2[1-2| bing
A 65, B. 45, c. 2. D. V5.
Cau 24: Cho s6 phiic Z thoaman : [z| =|z +2i[. Gid tri nho nhdt ctia biéu thue P=|z—i|+|z—4| 1a

A. 5. B. 4. C. 3\/5. D. 6.
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Cau 25:  Cho s6 phirc - thoa méan |z* =2z +5|=|(z =1+ 2i)(z+3i-1)|. Tinh min|uf, véi w=z-2+2i.

A min|w| = - B. min|u]=1. C.minfu|=2.  D.minjuf=2.

Ciu26: Xét cic sb phic z=a+bi(a,peR) théa man |z+2-3]=2v2. Tinh P=2a+b khi
|z +1+6i]+|z—7—2i| dat gié trj 16n nhét.
A. P=3. B. P=-3. C.P=1. D. P=7.

Ciu 27: Cho sd phitc z =a+bi (a,be R) thoa man |z+4|+|z—4|=10 va |z—6| 16n nhat. Tinh S =a+b

A. S=11. B. §=-5. C.§=-3. D. §=5.

[ DANG TOAN 50: TONG HQP TOA PQ TRONG KHONG GIAN - VD VDC J
KIEN THUC CAN NHO:

CAU 50_DPTK2021 Trong khong gian Oxyz , cho hai diém A(21;3) va B(6;5;5). Xét khéi non (N) c6
dinh A , dudng tron day nam trén mit cau duong kinh. AB . Khi (N ) c6 thé tich 16n nhat thi mit

phang chtra duong tron day cia (N) co-phuong trinh dang 2x+by +cz+d =0. Gia tri cua

b+c+d bang

A. 21. B. —-12. C. -18. D. -15.
Loi giai

Chon C

Taco: AB=6

Goi &, r la chiéu cao va ban kinh day hinh nén (N ) , R 13 ban kinh mit cau (S ) duong kinh
AB . Goi I 1a trung diém AB va H la tim duong tron day cua (N)

Dé thé tich hinh nén () 16n nhat thi 7> R.

Taco: 1’ =R*~IH*=R*~(h-R)’

Thé tich khéi nén (N): :%h.mﬁz %h.n.[m ~(h-R)] :%;r(zzehz )
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Xét ham s f(h)=§ﬁ(2Rh2_hs) v6i R<h<2R ta suy ra FV, khi

h=%:>AH=4,BH=2.
_— 2— 14 11 13

Phuong trinh mit phing chira duong tron day cia (N ) di qua H vanhan 4B 1am vecto phap

tuyén la: 2(x—%j+2(y—%j+l(z—?j:O:>2x+2y+z—21 =0=b+c+d=-18.

Caul: (Mi 103 2018) Trong khong gian Oxyz, cho mit cau (S):(x—1)>+(y—2)*+(z-3)* =1 va
diém A(2;3;4). Xét cac diém M thudc (S) sao cho duong thang AM tiép xtic v6i (S), M
luén thudc mit phing c6 phuong trinh 1a
A.2x+2y+2z+15=0 B. x+y+z+7=0 C.2x4+2y+2z-15=0D. x+y+z-7=0

Cau 2: Trongkhong gian vdi hé truc Oxyz , cho diém A(2; —2;2) va mit cau (S) x° +y2 + (z + 2)2 =1
.Diém M di chuyén trén mat cau (S ) dong thoi thoa man OM.AM =6.Piém M luén thude
mit phang nao dudi day?

A. 2x-2y—-6z4+9=0. B. 2x-2y—-62-9=0.C. 2x+2y+6z+9=0.D. 2x-2y+6z+9=0.

Cau3: Trongkhong gian Oxyz, cho mit cau(S): (x—l)2 +(y —1)2 +(z —1)2 =1 vadiém A4(2;2;2). Xét
cac diém M thudc (S) sao cho dudng thang AM ludn tiép xtc voi (S). M ludn thude mot
mit phang ¢ dinh c6 phwong trinh 13
A. x+y+z—-6=0. B. x+y+z+-4=0. C.3x+3y+3z-8=0.D. 3x+3y+3z-4=0.

Cau4: Trong khong gian Oxyz, cho (S):(x+3)2 +(y—2)2 +(z—5)2 =36, diém M (7;1;3). Goi A la
duong thang di dong ludn di‘qua M va tiép xtic voi mat cau (S ) tai N. Tiép diém N di dong
trén dudng tron (T) co6 tam J(a,b,c). Goi k=2a—-5b+10c, thi gia tri cia k la
A. 45. B. 50. C. 45. D. -50.

Ciu 5:  Trong khong gian Oxyz, cho cac diém M (2;1;4), N(5;0;0), P(1;-3;1). Goi I(a;b;c) la tim

ctia mit cau tiép xtic voi mit phang (Oyz) dong thoi di qua cac diém M, N, P. Tim ¢ biét ring

a+b+c<5
A.3 B.2 C.4 D.1

Cau 6: Trong khong gian voi hé toa d§ Oxyz, cho ba diém M(6;0;0) , N(O; 6;0), P(O; 0;6). Hai mat
cau co phuong trinh (S1 ) X+ Y +27 =2x-2y+1=0 va

(S,):x*+y” +2" —8x+2y+2z+1=0 cat nhau theo dudng tron (C). Hoi c6 bao nhiéu mit cau
¢6 tim thudc mit phang chira (C) va tiép xuc voi ba duong thang MN, NP, PM .
A. 1. B. 3. C. V64 s0. D. 4.

Cau7: Trong khong gian véi hé¢ toa d0 Oxyz cho A(-3;1;1),B(1;-1;5) va mat phang
(P):2x—y+2z+11=0. Mit cdu () di qua hai diém 4, B va tip xtc véi (P) tai diém C . Biét
C ludn thudc mot dudng tron (7) c¢6 dinh. Tinh ban kinh r ctia duong tron (T).

A. r=4. B. r=2. C. r=13. D. r=+2.
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Cau 10:

Cau 11:

Cau 12:

Cau 13:
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2 2
(S):(x=1)>+(y-2)"+(z-3)* =6. Xeét mat phang (P):ax+by+cz+d =0,
(a,b,c,d € Z:d <-5) 1a mit phing thay doi ludn di qua hai diém 4, B. Goi (V) 1 hinh nén co

dinh 14 tAm ctia mit cau (S) va dudng tron day 1a dudng tron giao tuyén cia (P) va (S). Tinh

Trong khong gian Oxyz , cho hai diém A[5+2\/_ - \/_ 3} B(S 3 7+2\/_ J va mit cau

giatricua T = |a +b+c+d | khi thiét dién qua truc ciia hinh nén (N) c6 dién tich 16n nhat.
A.T=4. B.7T=6. C.T=2. D.T=12.
Trong khong gian Oxyz, xét s6 thuc m E(O;l) va hai mat phang (oc):Zx—y+2z+10 =0 va

(B): 2y Y 21 Biétring khi m thay di co hai mat cAu ¢b dinh tiép xtc ddng thoi véi

m l-m
c4 hai mat phang (oc) ,([3) . Tong ban kinh cua hai mat cau d6 bang

A. 6 B. 3 C.9 D. 12

Trong khong gian v&i hé truc toa dd Oxyz , cho ba diém A(a;0;0), B(0;b;0), C(0;0;c) véi

a,b, c>0. Biét ring (ABC) di qua diém M(% %%} va tiép xac véi mit cau
72 1 1 1

S)o(x—1)’ -2y —32=—Th———

(51 (=2 (=37 = 2.1 L L L

A. 14. B.%. C.7. D.%.

Trong khong gian Oxyz , cho mit cau'($): x* + +(z—1)2 =4 va diem A(2;2;2). Tur 4 ké
ba tiép tuyén AB, AC, AD véi B, C, D la cac tiép diém. Viét phuong trinh mat phang
(BCD).

A. 2x+2y+z-1=0. B.2x+2y+z-3=0. C. 2x+2y+z+1=0. D. 2x+2y+z-5=0.

2 2 2 ’
Trong khong gian Oxyz, cho hai mit ciu (S): Xty +(Z_1) =25 va (S):

2 2 2 ’
(x—l) +(y—2) +(Z_3) =1 Mit phang (P) tiép xtic (S) va cat (S) theo giao tuyén 1a mot
duong tron ¢ chu vi bang 6. Khoang cach tir O dén (P) bang
14 17 8 19

A, —. B. —. C.—-. D. —.
3 7 9 2

Trong  khéng  gian Oxyz, cho  diém A ( 211 —5) va mat phang
(P): 2mx+(m2 +1)y +(m2 —l)z —~10=0. Biét rang khi m thay ddi, ton tai hai mat cau c¢6 dinh

tiép xtic v6i mit phang (P) va cing di qua 4. Tong ban kinh ctia hai mit cau d6 bang

A. 1042 . B. 12./3. C.1242. D. 1043
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Ciau 14: Trong khong gian véi hé toa dd Oxyz , cho mat cau (S): (x—l)2 +(y —1)2 +(z —1)2 =1 va diém
A(2; 2; 2). Xét cac diém M thudc mit cau (S ) sao cho dudng thang AM ludn tiép xtic véi
(S ) . M 1uén thugc mat phang ¢ dinh c6 phuong trinh 1a
A . x+y+2z-6=0. B.x+y+z-4=0
C.3x+3y+3z-8=0. D.3x+3y+3z-4=0.

Ciau 15: (Mai 105 2017) Trong khong gian voi hé toa d6 Oxyz , cho hai diém A(3;-2;6),B(0;1;0) va
mit cau (S) :(x—l)2 +(y—2)2 +(z—3)2 =25. Mgt phang (P):ax+by+cz—2=0 diqua 4,B
va cdt () theo giao tuyén la dudng tron c6 ban kinh nhé nhét. Tinh T'=a+b+c
A.T=3 B. T=4 C.T=5 D.T=2

A A . Lr 1A A o, A 2 2 2 <R

Cau 16: Trong khong gian véi hé toa d§ Oxyz , cho mat cau (S): (x—l) +(y—2) +(z—3) =9, diém
A(0;0;2). Mat phang (P) qua 4 va cit mat cau (S) theo thiét dién 1a hinh tron (C) co dién
tich nho nhat, phuong trinh (P) 1a:

A. (P):x—2y-|—3z—6=0. B. (P):x+2y+3z—6=0.
C. (P):3x+2y+22—4=0. D. (P):x+2y+z—2=0.
A A . o X 2 2 2 . N o

Cau 17: Trong khong gian Oxyz cho mit cau (S):(x—1) +(y+2) +(z-3) =27. Goi (a) la mat
phang di qua 2 diém A(O;O;—4), B(2;O;O) va cat (S) theo giao tuyén 1a duong tron (C) sao
cho khéi nén co dinh 1a tim cua (S ) ;1ahinh tron (C ) c6 thé tich 16n nhat. Biét mat phang (a)
c¢6 phuong trinh dang ax+by —z+4c =0, khi 40 a—b+¢ bang:

A. 8. B..0: C.2. D. -4.

Cau 18: Trong khong gian vdi hé truc toa d0 Oxyz, cho tir dién ABCD co diém A(l;l;l), B(2; 0;2),

C(-1-10), D(0;3;4). Trén cic canh AB,AC,AD lan luot liy cic diém B'.C’.D’ théa

AR AC AD 4 ik phuong trinh mét phing (B'C'D') biét tir dién AB'C'D’ c6 thé tich
AB' AC' AD'

nho nhét?

A. 16x+40y+44z-39=0 B. 16x-40y—44z+39=0

C. 16x+40y—-44z+39=0 D. 16x—-40y—-44z-39=0

Cau 19: Trong khong gian voi hé truc toa d0 Oxyz, mat phéng (P) di qua diém M (1; 2;1) cit cac tia
0x,0y,0z 1an luot tai cac diém 4, B,C (A4, B,C khong trung véi géc 0) sao cho tir dién OABC
c6 thé tich nho nhat. Mit phang (P) di qua diém nao trong cac diém dudi day?

A. N(0;2;2) B. M (0;2;1) C. P(2;0;0) D. 0(2;0;-1)
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Cau 20: Trong khong gian voi hé truc toa dd Oxyz, cho mat cau (S): X +y2 +z> =3. Mot mat phéng
(@) tiép xtc voi mit cau (S) va cit cac tia Ox, Oy, O lan luot tai 4, B, C théa man
OA* + OB* + OC* =27 . Dién tich tam giac ABC bang
A.%. B.%. c. 33. D. 93.

Cau 21: Trong khong gian Oxyz, cho A(O; 1;2),B(1;1;O),C(3; 0;1) va mat phéng (Q) xX+y+z—-5=0
. Xétdiém M thay d6i thudc (Q). Gia tri nhé nhat cua bieu thire MA® + MB* + MC? bing
A.%. B.23—2. C.0. D.%.

Cau 22: Trong khong gian Oxyz, cho ba diém A(O;O;l), B(—l;l;O), C(I;O;—l). Piém M thudc mat
phang (P):2x+2y—z+2=0 sao cho 3MA* +2MB’* + MC® dat gi4 tri nho nhat. Gi4 trj nho
nhat d6 bang
A B ¢ D. 2.

Cau23: Trong khong gian Oxyz, cho hai diém A(3;1;—3), B(O;—2;3) va mit cdu
(8):(x+1) +»* +(z—3)" =1. Xét diém M thay ddi luon thude mit cdu (), gid tri lon nhét
ciia MA*> +2MB’* bang
A.102. B. 78. C. 84. D. 52.

Ciu 24: Trong khong gian Oxyz, cho cac diem A(0;0;2) va B(3;4;1). Goi (P) l1a mat phang chira
dudng tron giao tuyén cua- hai midt ciu (Sl):(x—l)2 +(y—1)2 +(z+3)2 =25 véi
(S,):x*+y’+2°—2x—-2y—-14=0. M, N 1a hai diém thudc (P) sao cho MN =1. Gié tri nho
nhat cia AM + BN 1a
A 341, B. 5. C. V34, D. 3.

Céu 25: Trong khong gian Oxyz cho mit cau (S) X +y +2°=1.Piém M e (S) c6 toa do duong; mat
phéng (P) tiép xuc voi (S)tai M cét cac tia Ox; Oy, Oz tai cac diém 4, B, C. Gia tri nho
nhét cita biéu thirc 7' =(1+04" )(1+ 0B’ )(1+0C*) la:

A. 24. B. 27. C. 64. D. 8.

Chu 26: Trong khong gian véi hé toa do Oxyz, cho bon diem 4(1;0;0), B(2;1;3), C(0;2;-3),
D(2:;0:7). Goi M la diém thuge mat chu (S):(x+2) +(y—4) +z* =39 thoa man
MA® + 2MB.MC =8 Biét ring doan thdng MD dat gié tri 16n nhit. Tim gid tri 16n nhit d6?
AANT. B. 24/7. C. 3\7. D. 47.

Gido vién: Hupnh Vin Anh — 42 Nguyén Cu Trinh — Thugn Hoa — TP Hué — DT: 0984164935 Page 236

Chuyén luyén thi: Tuyén sinh vao lép 10 TP. Hué — Tét Nghiép THPT — BDKT Todn 10; 11; 12



TAI LIEU ON THI TOT NGHIEP THPT NAM 2021 — PHAT TRIEN PE THAM KHAO 2021

Cau27: Cho A(0;82) va mat chu (S):(x—5)"+(y+3)’ +(z-7)" =72 va diém 4(9;-7;23). Viét
phuong trinh mat phang (P) di qua 4 va tiép xuc voi mit cau (S ) sao cho khoang cach tir B dén
mit phang (P) 1a 16n nhét. Giai sir n = (l;m;n) 1a mot vecto phap tuyén cia (P) . Lac do
A. mn=4. B. mn=2. C. mn=-4. D. mn=-2.

Ciu 28: Trong khong gian véi hé toa dd Oxyz goi (P):az +by+cz—3 =0 ( a,b,c 1a cac sb nguyén
khong dong thoi bang 0 ) 1a phuong trinh mit phang di qua hai diém M (O; —1;2),N (—1; 1; 3)
va khong di qua H (0; 0;2). Biét rang khoang cach tir H (0; 0;2) dén mat phang (P) dat gié tri

16n nhat. Téng P = a — 2b + 3¢ + 12 bang
A. 8. B. 16. C.12. D. —16.
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