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Chuwong I. Ménh dé-tap hop

1.Ménh dé
--[ Dinh nghia ]— ------------------------------------------------------------------------

& Ménh dé toan hoc 1a mot cau khf;ing dinh vé mot sy kién trong toan hoc. Mbi ménh dé toan hoc
phai hodc diing hodc sai. Mot ménh dé toan hoc khong thé vira dung vira sai.

(D Ménh dé phu dinh:

— Cho ménh dé P . Ménh dé: “khéng phai P ” goila ménh dé phu dinh cia ménh dé P va ki hiéu
la P.Né&u P dang thi P sai va nguoc lai.

(2 Ménh dé kéo theo:

— Choménh dé P va Q.Ménh dé: “Néu P thi Q” goila ménh dé kéo theo vakihiéula P=Q.
Ménh dé P = Q chi sai khi P dung Q sai.

thiét, Q la két luan cua dinh ly hodc P 1a diéu kién du d€ c6 Q hodc Q la diéu kién can décd P .
(3 Ménh dé dao:

— Ménh dé Q = P duoc goi la ménh dé dao cia ménh dé P= Q.

@ Ménh dé tuong duong:

— Néu P=0Q va Q=P déu dung thi P va Q la hai ménh dé twong duong. Ki hiéu P < Q va
duoc phét biéu nhw sau: P twong dwong véi Q; P khiva chikhi Q; P la diéu kién can va du dé
c6 Q hodc P néuvachinéu Q.

» Pht dinh ctia ménh dé: “ Vx e X,P(x)” la ménh dé “3x e X,P(x)”.
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» Phtt dinh ctia ménh dé: “3x e X,P(x)” la ménh dé “Vax e X, P(x

S—

-

Xac dinh

@ Liét ké phin tir Tap hop

(2 Chi ra tinh chit dic trung cac phan te.

» Tap hop rong la tap hop khong chita phan tix nao. Ki hiéu la & .

» Néu moi phan t&r cua tap hop A déu la phan t ctia tap hop B thitanditap A la con cua tdp B
.Kihiéu A c B.

AcB .
» Néu { = thi tandi A va B la hai tap hop bang nhau. Ki hiéu A=B.

Bc
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3.Cdc phép todn tap hgp.
1

hidu C B <xeAvaxgB
= A .

I I I o
Phép todn ! Dinh nghia ' Ky hiéu ! Két qua | Biéu do6 Ven
I I I I
I I I I
0L | + Giao hai tap hop cia A va B | | e ANB |
i lamottaphop gdbmcacphante; ANB | |
Phép gi :
ép giao | ; \ I I <xeAvaxeB i
i chungcua A va B. I I I
I I I I
! ! ! !
I I I I
I I I I
02 i ¢ quhaiteﬁphopcﬁaAvéBléi i xe AUB i
~ 1 mot tip hop gom cac phan tk ! AUB | 3 [
5 I I I I
Phép hop | chungvariéngcia A va B. | | ©xeAhodc xeb :
I I I I
| | | |
I I I I
03 | + Hiéu cua hai tap hop A va B | | xeA\B |
| lamottaphopgomcacphant| A\B | . |
Phép hi¢u | thudc A va khong thuoc B. | | oxeAvaxgB |
i | i i
I I I I
I I I I
io Khi Bc A thi A\B goiléi ixeA\B i
Phinbi | phin bi cta B trong A kii C,B | !
I I I I
I I I I
I I I I
1 1 1 1

4.Cdc tap hop sé.

» Cc tap con thuong ding ctia R :
@ (a;b)={xeR/a<x<b| @ (a;+0)={xeR/x>a}
® (—ob)={xeR/x<b} @ [a;b]={
® [a;b)={xeR/a<x<b} ® (a;0]={
@ [a;+0)={xeR/x>a} (—oo;b]={xeR/x<b}

xeR/quSb}

xeR/a<x£b}
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Chuong I1.B4t phwong trinh va hé bat phwong trinh bac nhat hai 4n

1.Bat phuong trinh bac nhat hai 4n
--{ DBinh nghia ] ------------------------------------------------------------------------

3 BPT bac nhat hai an x,y c6 dang:ax+by >c;ax+by <c;ax+by = c;ax+by <c véi x,y la hai an,
a,b 1a cic hé s6 khong dong thoi bang 0.
— Néu cap s8 (x,;y,) thoa man ax, +by, <c thi (x,;y,) la mot nghiém ctia BPT ax+by <c.
— Puong thang d:ax+by =c chia mat phang toa do Oxy thanh hai nita mit phang. Mot trong hai
ntta mat phang &y (khong k& bo d) 1a mién nghiém cua BPT ax +by < c, ntta mat phang con lai
(khong ké bo d ) la mién nghiém ctia BPT ax+by >c.
¥ Cach xac dinh mién nghiém cua BPT bac nhat hai an:
» Budc 1: V& duong thang d:ax+by =c.
» Budc 2: Lay diém M (x,;y,)ed.
Kiém tra (x,;y,) c6 la nghiém cua BPT khong (thuong 14y diém O(0;0)).
» Budc 3: Két ludn vé mién nghiém ctia BPT.

Luwu y: D&i véi cdc BPT ax +by < c;ax+by > ¢ thi mién nghiém la ntta mat phang, ké ca bo.

2.Hé bat phwong trinh bac nhat hai 4n
--[ Dinh nghia ]- ------------------------------------------------------------------------

&£ Hé BPT bac nhat hai an la hé gom hai hay nhiéu BPT bac nhat hai an.

— Trong mp toa d¢ Oxy tap hop tat ca cac diém co toa do théa man moi BPT trong hé goi la mién
nghiém caa hé BPT d6 (hodc mién nghiém cua hé BPT la giao cua tdt ca cic mién nghiém cua cic BPT
thanh phan trong hé).

# Céach xac dinh mién nghiém cua hé BPT bac nhat hai an:

» Budc 1: Xac dinh mién nghiém ctia moi BPT trong hé va gach bo phan con lai.

» Buwdc 2: Mién ma khong bi gach chinh la mién nghiém ctia hé BPT.

3.Bai toan t6i wu
Thira nhdn két qua: Gid tri nho nhat hay 16m nhit cia biéu thirc P(x; y) =ax+ by,(b # O) trén mién da gidc

16i (k& ca bién) dat tai mgt dinh nao dé ciia da gidc.
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Chuong III.Hé thitc lwgng trong tam giac

1.Gia tri lugng gidc ctia goc tir 0° dén 180°
¥ Trong mat phang toa dd Oxy, ntta duong tron tim O nam phia trén truc hoanh bén kinh R=1

dwoc goi la nira dwong tron don vi.

¥ Véi moi goc « (00 <o £180°) ta xac dinh mét diém M trén ntra duong tron don vi sao cho
xOM =« va gia st diém M c6 toa d0 M (xo ; yo) . Khi do ta c6 dinh nghia

1

M
------------ 270

N

sinozzyo. Cosa:xo' tana:%(xo ;tO) COta:ﬁ(yo ;éO)

0 Yo
» Nhan xét:

— Néu « 1a goc tu thi sina > 0;cosa <0; tana < 0; cot v < 0.
— Néu « 1a géc nhon thi sina > 0;cosa > 0;tan« > 0; cota > 0.

Cho hai goc phu nhau: « va 90° —«. Ta co: Cho hai gdoc bu nhau: « va 180° —«v. Ta co:

sin(90° —a) = cosa sin(180° —ar) =sina

cos(90° —a)=sina cos(180° —a ) =—cosa
tan(90° —ar) = cota tan(180° —a) = —tana
cot(90°—a)=tana cot(180° —a ) =—cota

2.He thttc lwgng trong tam giac
& Dinh 1y cosin

a’> =b*+c*—2bc.cos A
b* =a®+c*—2ac.cosB .

c® =a® +b*—2ab.cosC

-Cho tam gidc ABC c¢6 BC=a, AC=b, AB=c.Khi do:

¥ Hé qua:

b +c*—a® a’+c*-b? a’+b*-c?
cosA=———" :co0sB=——— ;cosC=——"—"

2bc ’ 2ac 2ab

Cong thirc tinh d6 dai duwong trung tuyén: Cho tam giac ABC ¢6 BC=a,AC=b,AB=c. Goi
m_,m,,m_lan lwot 1a cdc dwong trung tuyén keé tir cac dinh A, B,C. Khi dé:
2(b2+c2)—a2 , 2(a2+cz)—b2 o, 2(a2+b2)—c2

maz—;mb: ’m(::
4 4 4

Mr. Le Minh Tam — 093.337.6281 ‘




Dé cuong on tap Gitwa Ky I — Khoi 10
N a N

& Dinh ly sin
» Cho tam giac ABC c6 BC =a, AC=b,AB=c, R la ban kinh duong tron ngoai tiép tam giac.

Khidé: % - Y _ ¢ _or.
sinA sinB sinC

3 Cong thirc tinh dién tich tam gidc
» Cho tam giac ABC ¢6 BC=a, AC=b,AB=c; h,h,,h_ lanluotla duong cao ké tir cac dinh A, B,C

+Cc .
la ntra

? L4 (A \ /4 4 \ \ A . - . - A ./ a +
cua tam gidc; R,r lan luot 1a ban kinh duong tron noi ti€p, ngoia tiép tam giac; p =

chu vi. Khi d6:

Szla.h :lb.hbzlc.h
2 " 2 2 -

S:lubsinC:lbcsinA:EacsinB
2 2 2

] S=@
4R
" S=pr

s=\p(p-a)(p-0)(pc)
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Phan 1. Ménh dé - tap hop

Bail. Xéttinh ding sai ctia cdc ménh dé sau va ménh dé phu dinh ctia né.

a. VxeR:x*>0; b. IxeR:x>x%;
c. VxeR:x*—x-2<0; d. VxeR:x*=3;
e. VneN,n’ +1 khong chia hét cho 3.

Loi giai

a. VxeR:x*>0;
Ménh dé trén sai vi 0% =0.
Ménh dé phu dinh 1a: “3x e R: x* <0”. Ménh dé phu dinh dtng.

b. IxeR:x>x%;
o emia a1 (1Y
Ménh dé trén dung vi §> 5

Ménh dé phu dinh 1a: “Vx e R: x <x*”. Ménh dé phu dinh sai.
. VxeR:x*—x-2<0;

Ménh dé trén sai vi x* —x—-2<0< x e[—l;Z].

Ménh dé phu dinh la: “3xeR: x> —x—2>0".Ménh dé phu dinh dang.
d. VxeR:x*=3;

Ménh dé trén ding vi x2 =3<> x =143

Ménh dé phu dinh 1a: “3x e R : x* # 3”. Ménh dé phu dinh sai.
e. VneN,n’ +1 khong chia hét cho 3.

*TH1: n=3k

Ta c6 n? +1=(3k)2 +1=9k* +1 chia 3 duw 1.

*TH2: n=3k+1

Ta c6 n? +1=(3k+1) +1=9k* +6k+2 chia 3 du 2.

*TH1: n=3k+2

Tacé n? +1=(3k+2) +1=9k?+6k +5 chia 3 dur 2.

Vay VneN,n’ +1 khong chia hét cho 3. Ménh dé trén dung.
Ménh dé phti dinh la: “3n e N,n* +1 chia hét cho 3”. Ménh dé phu dinh sai.

Bai2. Phat biéu ménh dé P=Q béng cach st dung “diéu kién can” va “diéu kién du” va xét
tinh dang sai ctia no.
a. P: “Tt gidc ABCD la hinh thoi” va Q: “Tt gidc ABCD c¢6 AC va BD cat nhau tai
trung diém moi duong”;

b. P:“Tam giac ABC vudng cantai A” va Q: “Tam gidc ABC c6 A=2B".

Mr. Le Minh Tam — 093.337.6281 ‘
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a. P: “Tt gidc ABCD la hinh thoi” va Q: “Tt gidc ABCD c¢6 AC va BD cat nhau tai trung diém

moi duong”;

P = Q: “Tt gidc ABCD la hinh thoi la diéu kién dii &€ t& gidc ABCD c6 AC va BD cat
nhau tai trung diém mdi duong”.

Hoac P = Q: “Tt giac ABCD c6 AC va BD cat nhau tai trung diém mdi duong la diéu
kién cin d€ t& gidc ABCD la hinh thoi”.

Ménh dé P = Q dung.

b. P:“Tam gidc ABC vudng cantai A” va Q: “Tam gidc ABC c6 A=2B".

Bai 3.

P = Q: “Tam gidc ABC vuong can tai A la diéu ki¢n dii d€ tam giac ABC c6 A=2B".
Hodc P = Q: “Tam gidc ABC c6 A =2B la diéu kién cin d€ tam gidc ABC vudng can tai
A”.

Ménh dé P = Q diung vi A=90°B=45°.

Cho cac tap hop:

A={-356}; B={xeRlx’-4xr-5=0}; <:={xeN|(x—2)(x2 +5x—6)=o} .

a. Viét tap hop B va C dudi dang liét ké cac phan tie. Tim AnB; AUC;

b. Tim (AUB)\C; (A\B)NC.

Loi giai

a. Viét tap hgp B va C dudi dang liét ké cac phan tie. Tim ANB; AUC;

x=-1
Ta cé: x2—4x—5=0<:{ .Ma xeR nén B:{—1;5};

x=5
x=2
(x—2)(x*+5x-6)=0 <> 270 o|x=1 .MaxeNnén C={12}.
x* +5x-6=0 N '

Do d6, AnB={5}; AUC={-3;5,6;1;2}.

b. Tim (AUB)\C; (A\B)NC.

Bai 4.

Bai 5.

Ta c6: AUB={-35;6;-1} nén (AUB)\C={-3;5;6;-1}.
A\B={-3;6} nén (A\B)nC=0.
Tim tét ca cac tap X thoa man bao ham thire {1;2} = X ={1;2;3;4;5}.
Loi giai
Cactap X thoa man bao ham thire {1;2} < X = {1;2;3;4;5} la:
{1,2};{1;2;3};{1;2;4};{1;2;5}; {1,2;3;4};{1,2;35};{1,2;4;5} va {1,;2;3;4;5}.

Trong 16p 10C c6 16 hoc sinh gidi mon Todan, 15 hoc sinh giéi mon Ly va 11 hoc sinh gioi
moén Hoa. Biét rang c6 9 hoc sinh vira gidi Toan va Ly, 6 hoc sinh vita gidi Ly va Hoa, 8
hoc sinh vira gidi Héa va Toan, trong dé chi cd 11 hoc sinh gidi dung hai mon. Hoi ¢ bao
nhiéu hoc sinh cua 16p.

a. Gioi ca ba mon Toan, Ly, Hoa.

Mr. Le Minh Tam — 093.337.6281 ‘
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b. Gioi dang mot mon Toan, Ly hoac Héa.

Loi giai

a. Gioi ca ba mon Toan, Ly, Hoa.

Goi s6 hoc sinh gioi ca ba mon Toan, Ly, Hoa la x.

Tt biéu do ven ta c6, s6 hoc sinh gioi diing hai mon Toan, Ly la: 9—x .

SO hoc sinh gioi dang hai mon Ly va Héala: 6—x .

hoc sinh gioi dung hai mon Toan va Hoala: 8—x .

Do d6, s6 hoc sinh gioi dting hai mon la: (9—x)+(6—x)+(8—x) =11=x=4.

b. Gioi dang mot mon Toan, Ly hoac Héa.

Bai 6.

Cach 1

Theo phan a. ta cd, sO hoc sinh gioi ding hai moén Toan, Ly la: 9-4=5.
S6 hoc sinh gioi diing hai mon Ly va Héala: 6-4=2 .
hoc sinh gioi dang hai moén Toan va Hoa la: 8—4=4 .
S6 hoc sinh gioi ding mot moén Toan la: 16-5-4—-4=3.
S6 hoc sinh gioi ding mot mon Ly la: 15-2-5-4=4.
S6 hoc sinh gioi dang mot mon Hoa la: 11-2-4-4=1.
S6 hoc sinh gioi ding mot moén Toan, Ly hodc Hoa la: 3+4+1=8 hoc sinh.
Trong mot khoang thoi gian nhat dinh, tai mét dia phuwong, Dai khi twong thuy van da
thong ké dugc: S6 ngay mua: 10 ngay; S6 ngay cé gid: 8 ngay; SO ngay lanh: 6 ngay. S6
ngay mua va gio: 5 ngay; S6 ngay mua va lanh: 4 ngay; SO ngay lanh va gié: 3 ngay; S6
ngay mua, lanh va c6 gié: 1 ngay. Vay c6 bao nhiéu ngay thoi tiét xau (c6 gié, mua hay
lanh)?

Loi giai

Theo bai ra ta ¢é biéu d6 ven:

Tt biéu d6 ven ta ¢, sd ngay chi c6 gié va lanh la: 4-1=3.

SO ngay chi cé mua va gié la: 5-1=4.

S6 ngay chi c6 lanh va mua: 3—-1=2.

SO0 ngay chi c6 dang mot hién twgng hodc cé gid hodc cé6 mua, hodc lanh la:

(6-2-3-1)+(8-3-4-1)+(10-2-4-1)=3.

Vay s0 ngay thoi tiét xau la: 3+3+2+4+1=13

Mr. Le Minh Tam — 093.337.6281 ‘
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Cach 2:

Goi A;B;C lan luot 1a tap hop cac ngay mua, gid va lanh.

Goi n(A) la s8 ngay mua.

Khi d6, sd ngay thoi ti€t xau la:

n(AuBUC)=n(A)+n(B)+n(C)~[n(AnB)+n(BNC)+n(ANC)]+n(AnBAC)

=6+8+10-(3+4+5)+1=13.
Cau 7.

a. A=[-3;5) va B=[1;+x);

b. A=[-51] va B=(-3;2);

c. A={xeRlx<3} va B={xeRl2<x<2}.

Loi giai

a. A=[-3;5) va B=[1;+x);

Ta c6: A=[-3;5) va B=|1;+x)

Biéu dién cac tap hop sau trén truc sé va tim AnB; AUB; A\B.

’ 1 [ 3 -
T L 1) L~
—00 -3 1 5 +oo
A: B:

ANB=[15); AUB=[-3+x); A\B=[-3]1).
b. A=[-51] va B=(-3;2);
Ta c6: A=[-5;1] va B=(-3;2).

gl { 1 AV P
gt ¥ ] / i
—00 -5 3 L 2 +o0

AnB=(-31];AUB=[-5;2); A\B=[-5,-3]

c. A={xeR|x<3}va B={xeRl-2<x<2}.
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N a N

Cau 8.

Tacéd: A= (—oo; 3] va B= (—2,- 2) .

e
[

Vi
¥
-2

3]
[o%)

+00
A B:

ANB=(-22); AUB=(—0;-3]; A\B=(—0;-2]U[ 2;3].

Cho cac tap hop A=(—oo;m) va B=[3m—1;3m+3]. Tim m dé:

a. ANB=; b. Bc A.
Loi giai

a. AnB=UJ

Ta co: AmB:@<:>mS3m—l<:>m2%.

b. B A.

Cau9.

Ta co: BcA<:>3m+3<m<:>2m<—3<:>m<—g.

Cho hai ntra khoang A:(—oo; m] va B:[5;+oo).T‘1m ANB (bién luan theo m).
Loi giai

Véi m<5=AnB=J.

V6i m=5=AnB={5}.

Vi m>5:>AmB:[5,-m].
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Phan 2. Bat phuong trinh va hé bat phwong trinh bac nhat hai 4n

Bai 10. Biéu dién mién nghiém ctia cac bt phuong trinh sau
a.2x -4y >6. b.x -3y <0.
Loi giai
a.2x—4y=>6.
Vé duong thang d:2x—4y =6.
Lay diém O(0;0)¢d.
Ta co: 20-4.0<6.
K&t luan: Ntra mat phang k& ca d va khong chtta diém O 1a mién nghiém ctia bat phuong
trinh 2x—4y > 6, tuong tng voi phan khong bi gach (kéca d).

/

A

b.x-3y <0.

Vé duong thang d:x—3y =0

Lay diém M(0;1)¢d

Ta co: 0-3.1<0

Két luan: Nta mat phang khong ké d chita diém M la mién nghiém cta bat phuong

trinh x —3y <0, tuong ting voi phan khong bi gach (khong ké 4).

y X

3

M(0;1)

Bai11. Xac dinh mién nghiém ctia cac hé bat phuong trinh sau:

-x+5y <20
5 +2y <35 y =2
a. I b.< 7y >4x.
x>0
y<4
y=0
Loi giai
-x+5y <20
Sx+2y <35
a.
x>0
y=0

Vé duong thang d, : —x+5y =20 va d,:5x+2y =35, x=0 vay=0.
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Do toa d6 diéem M (1; 1) thoa man tat ca cac bat phuong trinh da cho nén mién nghiém cta
timg bat phuong trinh 1a cac nita mit phang chita M (1;1), k€ ca dudng thang tuong tng.
Cu thé mién nghiém cua hé 1a t¢ gidc OABC k€ ca mién trong tt gidc (mién t giac) voi

0(0;0), A(0;4), B(55), C(7;0).

y \

d
/ |

y<2x
b. {7y >4x

y<4
Vé duong thang d,:y=2x va d, :4x-7y=0,d :y=4.
Do toa d6 diém M(Z; 3) thoa man tat ca cac bat phwong trinh da cho nén mién nghiém
ctia tling bat phuong trinh 1a cac ntta mét phang chita M (2; 3) , k& ca duong thang tuong
ung.
Cu thé mién nghiém cta hé 1a tam gidc OCD ké ca mién trong tam giac (mién tam giac)
v6i0(0;0), C(2;4), D(7;4).

y

o

.

T

Bai12. Mot cong ty can thué xe van chuyén 140 nguoi va 9 tan hang hoéa. Noi cho thué xe chi c6
10 xe hiéu MITSUBISHI va 9 xe hiéu FORD. Mot chiéc xe hiéu MITSUBISHI ¢6 thé cho
20 nguoi va 0,6 tan hang. Mot xe hiéu FORD c6 thé cho 10 nguoi va 1,5 tdn hang. Tién
thué mot xe hiéu MITSUBISHI la 4 triéu dong, mét xe hiéu FORD 1a 3 triéu dong. Hoi
phai thué bao nhiéu xe mdi loai d€ chi phi thap nhat ?
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Bai 13.

Dé cuong on tap Giiwta Ky I — Khéi 10
' J N ¥

Goi x, y Tan lwot la s6 xe hiéu Mitsubishi va s6 xe hiéu Ford ma cong ty thué (x,y € N)

(xe).

0<x<10 0<x<10
0<y<9 - 0<y<9
20x+10y >140 2x+y =14
0,6x+1,5y>9 2x+5y >30

Nén ta c6 hé bat phwong trinh sau:

Vé cac duong th:fmg (dl):2x+y =14 va (dz):2x+5y =30, x=0, x=10, y=0, y=9, phan
mat phang dugc gidi han boi cdc duwong thang trén 1a mién nghiém ctia hé bat phuong
trinh.

gy

0 \ 4,
5 Al 2 , , :
Ta c6: A(z’gj’ B(10;9), C(10;2), D(5;4).

SO tién ma cong ty dung dé thué xe la P =4x+3y.
Ta cé:
P, =37 (triéu dong).
P, =67 (triéu dong).
P. =46 (triéu dong).
P, =32 (triéu dong).
Vay dé chi phi nho nhat thi can 5 xe hiéu Mitsubishi va 4 xe hiéu Ford.
Nhaén dip tét Trung Thu, xi nghiép san xuat banh Trang mudn san xuét hai loai banh: Dau
xanh, Banh déo nhan dau xanh. D€ san xuat hai loai banh nay, xi nghiép can: BPuong, Bot,
Dau, Trang, Mut,... Gia sit s6 Buong ¢d thé chuan bi duoc la 300 kg, Bau la 200 kg, cac
nguyén liéu khac bao nhiéu cling c6. San xudt mot cai banh dau xanh can 0,06 kg duong,
0,08 kg dau va cho 1ai 2 ngan dong. San xuat mot cai banh déo can 0,07 kg duwong, 0,04
kg dau va cho lai 1,8 ngan dong. Can lap k& hoach d€ san xuat mdi loai banh bao nhiéu
cai dé€ khong bi dong vé duwong, dau va tong so lai thu duoc la 16n nhat (néu san xuét bao
nhiéu cling ban hét) ?

Loi giai
Goi x, y lan lwot la s6 banh dau xanh va sd banh déo ma xi nghiém san xuat (x,y eN )
(banh).
Luong duong can dung dé€ san xudt banh 1a 0,06x+0,07y <300.
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Luong dau can dung d€ san xudt banh la 0,08x+0,04y < 200.
SO tién 10i thu dwoc khi ban banh la P=2x+1,8y.

0,06x+0,07y <300

0,08x +0,04y <200

x>0 '
y=0

Ta c6 hé bat phuwong trinh bac nhat hai an nhu sau:

Ta vé dudng thang (d,):0,06x+0,07y =300 va duong thing (d, ):0,08x +0.04y =200, 1én

mat phang toa dd. Biéu dién mién nghiém ctia hé bat phuong trinh trong hinh sau
¥

d

dy

. [ .30000 . . .
Ta co: A(O, = J B(625;3750), C(2500;0), O(0;0).

Dé P =2x+1,8y dat 16n nhat khi véi

30000 54000

Vi x=0, y= thi P, =

~7714,3 (nghin dong).
Véi x =625, y=3750 thi P, =8000 (nghin d6ng).
Véi x=2500, y=0 thi P.=5000 (nghin dong).

Vay P dat 16n nhat tai B. Nén dé€ tdi da lgi nhuén thi ta can ban 625 banh dau xanh va
3750 banh déo.
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1y

Bai 14. Tinh gi4 tri lwong gidc con lai cta goc « biét:

a. cosa:li va 0°<x<90°; b. sina=0,8 va 90° < x <180°;

C. tana=% va 0°<x<90°; d. cota=—g va 90°<x<180°.
Loi giai
5
a. cosaa=— va 0°<x<90°
13
Vi 0°<x<90° nén sina >0,tana >0,cota>0.
Ta c6 sin® a+cos’ @« =1= sina =+/1—cos’ « :%.

sinae 12 1 5
Suy ra: tana = =—, cota = =—.
cosa 5 tana 12
b. sina=0,8 va 90° < x <180°

Vi 90° < x <180° nén cosa<0, tana<0,cota<0.

, . ) 5 3
Ta c6 sin a+cos’ a=1<> cos? a« =1—sin® « = cos . = —/1—sin® « =—z

sina 4 1 3
Suy ra: tana = =——; cota= =——.
cosae 3 tana 4

c. tana:% va 0°<x<90°

Vi 0°<x<90° nén sina >0,cosa>0,cotar>0.

2 1 8
tan“a+l=———=cosa=———=—.
Cos” « tana+1 17
. 15 1 8
Suy ra: sina=tana.cosa=—; cota = =—.
17 tana 15

d. Cotaz—g va 90° < x<180°

V1 90° < x <180° nén cosa<0, sina>0,tana<0.

cot2a+1=%<:>sina= 1 =3\/a'
sin- « Joot?a+1 34
. 5./34
Suy ra: cosa =cota.sina=————
34

3
tana = =——,
cot « 5

Bai 15. Chting minh cic dang thitc sau:
a. cos*a—sin’a =2cos’a -1
2 1

b. 1-cot'or = (V6i sina#0)

sin“a@  sin"«
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1+sin’a
2

. - =1+2tan’a (Vi sinav=+1)
1-sin“«

Loi giai
4 <4 2
a. cos a—sin"« =2cos“a—1

VT = cos*a—sin’a = (cosza - sinza)(cosza + sinzoz) =cos2a = 2cos’a—-1=VP.

b. 1-cot*a = — 2__ '1 (V6i sina#0)
sinar sin‘o
cos'a  2sin‘a-1
<1- =

sin‘« sin*«

sin‘ov—cos*a 2sin’a—1

sin*« sin*«

(sinza - cos?'a) (sinza + cosza) 2sina —1

= . 2 - . 4
Sin « SN «

sina—cos’a _ 2sin‘a-1

. 4 - . 4
Sin « SN «

sin’a— (1— sinza) 2sino —1

S

sin‘o sin‘a
2sin‘a—1 2sina-1 . . .,
— = (ludn dung).
sin‘a sin‘a
1+sin’a e
c. ———=1+2tan’a (Véi sina=+1)
1-sin“«

1+sin? 1+sin? 1 in’
VT = sSiia 7S a +sma =1+ tan’a + tan’a =1+ 2tan’a = VP.

l-sin’a  cos’a cos’a cosia
Bai 16. Cho tam gidc ABC ¢6 AB=5cm, AC=3cm, A =120°.
a. Giai tam giac ABC;
b. Tinh d6 dai cac duwong trung tuyén;
c. Tinh dién tich ctia tam giac ABC;
d. Tinh ban kinh dwong tron ndi tiép cta tam giac;
e. Tinh ban kinh dwong tron ngoai tiép ctia tam giac.
Loi giai
a. Giai tam giac ABC;
Ap dung dinh li Cosin, ta cé:
BC? = AB® + AC? —2.AB.ACcos A < BC =+/5% +3? —2.5.3.c0s120° = 7.
Ap dung hé qua cta dinh li Cosin, ta co:
AB*+BC*-AC* _5°+7°-3 13
2.AB.BC 2.5.7 14
Ta co: C=180°-21°47'-120° = 38°13'
b. Tinh d6 dai cac dwong trung tuyén;

= B=21°47'

cosB =

Puong trung tuyén tng véi canh BC la:
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2 2 2 2 2 2
. :\/AB +AC? BC :\/5 +3 7 :@(Cm)
‘ 2 4 2 4., 2
Puong trung tuyén tng véi canh AC la:
\/AB2+BC2 AC? J52+72 3 139
mb = = = (CTI’Z) .

2 4 2

2 4 2
Puong trung tuyén tng véi canh AB la:
\/ACZ +BC?  AB? \/32 +72 52 o1
m, = — = —— = (cm) .
2 4 2 4 2
c. Tinh dién tich ctia tam giac ABC;

Dién tich tam gidc ABC la: S ;AB AC.sin A= E 5.3.5in120° = l5*/_( m’).

AABC

d. Tinh ban kinh duong tron noi ti€p ctia tam giac;

Ta c6: p= AB+ AC+BC _ 5+3+7 _75 (cm)
2 2
153
_ Saanc __4 :_3(011)
p 7,5 2
e. Tinh ban kinh dwong tron ngoai tiép ctia tam gidc.
Ap dung cong thiic: 5. = AP le(zj BC _ o_ Az'i;qc.Bc _ 537 _7\3 (cm)

w4153
4

Bai 17. Cho tam gidc ABC. Chiing minh cac dang thtic sau:
a. cos(A+C)+3cosB =1thi B=60°.

b. Néu b+c=2a thi Ezi+i.
h h h

a b c
c. Néu bc=a’ thi sinB.sinC =sin’ A va h,.h_=h’.
d. a=b.cosC+c.cosB.
r* +p° +4Rr
4R?
ban kinh duong tron ngoai va ndi ti€p tam giac ABC.

e. sin A.sinB+sinB.sinC +sinC.sin A = voi p;R;r lan luot la nira chu vi,

Loi giai
a. cos(A+C)+3cosB:1 thi B=60°.
Ta co: A+B+C=180°:>A+C:180°—B:>cos(A+C)=—cosB.

Khi do: cos(A+C)+3cosB =1 tr& thanh:

—cosB+3cosB=1< 2COSB=1<:>COSB=%<:>B=60°.

2 1
b.Néu b+c=2a thi —=—+—.
€ubtc=2athi -—=-
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Tacé:S:%a.hg:wl:g
S:lbh :>b——s
2 h,
S:—c.hczc—E
hC
Khi d6: b+c=2a tro thanh: § § 2.§<:>£:i+i.
h h h h h

b c a a b ¢
c. Néu bc=a* thi sinB.sinC=sin’ A va hh_=h’.
+Tacod: b=2R.sinB;c=2R.sinC;a=2Rsin A.
Khi d6: bc=a? trd thanh:

2R.sinB.2R.sinC = (2Rsin A)’ < 4R%sin B.sinC = 4R%.sin’ A & sin B.sinC =sin” A .

+ Ta co: S—lah :>a—25
2 n
S:lbh :>b——5
2 h,
S:lc.h :>c:§
27T
25 25 (25) _ 4s? 4g
Khi d6: bc=a® tré thanh: —.===| == | & — < hh, =h’.
h \n ) Thn 1

d. a=b.cosC+c.cosB.

2 2 2 2 2 2 2 2 2 2 2 2 2
a-+b°—c a‘+c°=b° a"+b°—-c° a“"+c°-b 2a
VP =b.cosC+c.cos B=b. +c. = + =

2ab 2ac 2a 2a 2a
. . . . . . r’+p*+4Rr . " o a1y
e. sin A.sinB+sin B.sinC +sinC.sin A = T voi p;R;r lan luwot la ntita chu vi, ban kinh
duong tron ngoai va noi ti€p tam gidc ABC.
Ta cé: —4— = b ¢ =2R:>sinA=2—R;sinB=2—R;sinC=2—R.
sinA sinB sinC a b c

Khi d6: VT =sin A.sinB+sin B.sinC +sinC.sin A= 2 4 0€ €@ _ab+besaa g
AR’ 4R’ 4R* 4R

Talai c6: §* =p*r* () va S* =p(p—a)(p-b)(p—c) 3)
Tt (2) va (3) ta suy ra:

p’r* =p(p—a)(p=b)(r—c)

pr? =p°—p?(a+b+c)+p(ab+bc+ca)—abc

pr2 — ]93 _2p3 +p(ab+bc+ca)—abc
p,,Z - _p3 +p(ab+bc+ca)—abc (4)
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Honntra: S=pr= Z_blg = abc =4prR (5)

Thay (5) vao (4) ta duoc: pr® =—p®+p(ab+bc+ca)—A4Rpr = ab+bc+ca=r+p*> +4Rr (6)

Thay (6) vao (1) ta duoc:

2 2
VT = sin A.sin B+ sin B.sin C + sin C.sin A = 22tbetea _r+p +4Rr

4R? 4R?
0 Bai Tap Tréc Nghiém
Caul. Cau nao sau day khong la ménh dé?
A. Ban da lam bai tap toan chwa?
B. 3<1.
C. Tam gidc déu la tam giac c6 ba canh bang nhau.
D. 4-5=1.
Loi giai
Ménh dé A khong phai 1a ciu khéng dinh.
Cau2. Meénh dé phu dinh cia ménh dé “VxeR,x*+x+5>0" 1a
A. IxeR,x*+x+5<0. B. VxeR,x*+x+5<0.
C. IxeR,x* +x+5<0. D. VxeR,x* +x+5<0.
Loi giai
Cau3. Chon ménh dé dung.
A. IxeN,x* <x B. VxeR,15x> —-8x+1>0.
C. IxeR,[x|<0 D. IxeR,—x*>0.
Loi giai
Ménh dé 3xeN,x* <x dtng vi c6 x=0 thoa man 0° <0.
Cau4. Trong cac ménh dé sau, ménh dé nao sai?

A. Tat ca cac s ty nhién déu khong am.

B. Néu tit gidc ABCD c6 hai duong chéo cat nhau tai trung diém mdi dwong thi ti gic

ABCDla hinh binh hanh.

C. Néu tit gidc ABCD c6 hai duwong chéo bang nhau thi tt giac ABCD 1a hinh chit nhat.
D. Néu t& gidc ABCD]1a hinh thoi thi t& gidc ABCD c6 hai duong chéo vudng goc voi

nhau.

Loi giai

Khong phai tat ca cac ti gidc c6 hai dwong chéo bang nhau déu 1a hinh chit nhat. Chang
han t gidc ABCD trong hinh vé sau c6 hai duong chéo ACva BDbang nhau nhung

khong la hinh cht nhat.
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cho tap X = {1; 2:3; 4}. Cau nao sau day dung?
A. S6 tap con ctia X la 16.

B. SO tap con c6 hai phén tir cua X 1a 8.

C.So tap con chttas6 1 ctia X la 6.

D. S6 tap con chita 4 phan ttrcua X 1a 0.

Céctap con ctia X la: @;{1}; {2};{3};{4}; {1;2}; {1;3};{1;4};{2;3};{2;4}; {3;4};{1;2;3};
{1;2;4}; {1,'3;4}; {2;3;4};{1;2;3;4}.

Loi giai

Co 16 tap con.

Cé 6 tap con co 2 phan ttr.

Cé 8 tap con chira s6 1.

C6 1 tap con ¢6 4 phan tu.

Khoang (3; 7) 6 thé viét theo dang nao dudi day?

A. {xeR[3<x<7}. B. {xez[3<x<7}.
C {xeR[3<x<7}. D. {xeR[3<x<7}.
Loi giai
Chon C
Theo dinh nghia vé khoang (a;b) = {x - ]R| a<x< b} va biéu dién trén truc sd

a b
S

Céch viét nao sau day dung?

A. ac[a;b]. B. {a}c[a;b]. C. {a}c(a;b]. D. ac(u;b].
Loi giai

Chon B

Cho A={1,2;35;7},B={2;4;5;6;8}. Tap hop AUB
A. {1,'3;7}. B. {2;5}. C. {1;3;7;6;8}. D. {1;2;3;4;5;6;7;8}.
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Cau9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cho hai tap hop A=(-15],B=(2;7). Taphop A\B
A (-3 2]. B. (2;5]. C. (—1;7]. D. (-1,2).

Loi giai

Cho tap hop A=(-2;6);B=]-3;4]. Khido, tip ANB la
A. (—2;3]. B. (—2;4]. C. (—3;6]. D. (4,-6].
Loi giai

Chon B
A WWWHWHW
—00 ) §) +0o0

B —00 -3 +00
Tt hinh vé suyra AnB= (—2; 4]

Ménh dé nao sau day dung?
A AvLD=0. B. AnA=0. C. A\A=0D. D. Ang=A.

Loi giai
Tacd: AvB=A; AnNA=A; AnD=.Nén chon C.

Cho A, B 1a hai tap hgp dwgc minh hoa nhu hinh vé. Phan t6 den trong hinh vé la tap hop
nao sau day?

C. A\B. D.B\A.
Loi giai

Hinh vé thé hién phan chung ctia hai tap hop. Nén chon dap an A.

Trong s6 50 hoc sinh ctia 16p 10A ¢6 15 ban duoc x€p loai hoc luc gioi, 25 ban duoc xép
loai hanh kiém t6t, trong d6 ¢ 10 ban vira dwgc hoc sinh gidi vira dwgc hanh kiém t6t.
Khi d6 16p 10A c6 bao nhiéu ban duwoc khen thweong, biét rang mudn duwoc khen thuong
ban d6 phai ¢6 hoc luc gioi hay hanh kiém t6t.

A. 25. B. 20. C. 35. D. 30.

Loi giai
Chon D
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

C6 10 ban vira dwgc hoc sinh gioi vira dwgce hanh kiém t6t nén: c6 5 ban dwoc xép loai hoc
luc gidi va duoc xép loai hanh kiém khong t6t, 15 ban duoc xép loai hanh kiém t6t va
duoc xép loai hoc khong luc gidi.
Do dé: S6 ban duoc khen thuwdng la: 10 +5 + 15 = 30.
Trong cac cap so sau day, cap nao khong thudc nghiém ctia bat phuwong trinh x—4y+5>0
A. (-5;0). B. (-2;-1). C. (0;0). D. (1;-3).

Loi giai
Xét A thay x=-5,y=0 vao x—4y+5>0 ta duwoc 0> 0 sai.
biém A(—l ;3) la diém thudc mién nghiém cta bat phuong trinh.

A. 3x+2y-4>0. B. x+3y<0. C.3x-y>0. D. 2x-y+4>0.

Thay x=-1,y=3 vao -3x+2y—4>0. Ta duoc: —3.(—1)+2.3—4>O<:>5>0 dung.

Loi giai

Phan td dam trong hinh vé sau, biéu dién tap nghiém cta bat phuong trinh nao trong cac
bt phuwong trinh sau?.

A Y

A. 2x-y<3. B. 2x-y>3. C. x-2y<3. D. x-2y>3.

A

Tt hinh vé suy ra duong thang d:y=ax+b di qua hai diém c6 toa dd (0; —3) ,[g ;Oj nén

Loi giai

—3=0 a=2
ta ¢ hé phuwong trinh =
phtens 0=>a+b {b:-’g

Vay d:y=2x-3<2x-y—-3=0.
Thay toa do O(O;O) vao d tacd -3<0 suy ta 2x—y—-3<0<2x—y<3.

x+3y—-220

. Trong cac diém sau diém nao thudc mién nghiém
2x+y+1<0

Cho hé bat phuong trinh {

cua hé bat phuwong trinh
A. M(0;1). B. N(-1,1). C. P($3). D. Q(-%0).
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Cau 18.

Cau 19.

Véi x =-1y =1 vao hé phuong trinh ta c6 {

-1+3.1-22>0 0>0
0 (luon dang).

=
2(-1)+1+1<0 " |0<
Vay N(-1;1) thudc mién nghiém ctia hé bat phwong trinh.

Mién tam gidc ABC ké ca ba canh sau day

< /
.

N 4

G

A
2R

la mién nghiém ctia hé bat phuong trinh nao trong bon hé A, B, C, D.

y=0 x>0 x>0 x>0
A. {5x-4y>10. B. {4x-5y<10. C. 15x -4y <10. D. {5x-4y<10.
Sx+4y <10 Sx+4y<10 4x+5y <10 4x+5y <10

Loi giai
Theo dé bai mién nghiém la mién tam giac ABC ké ca ba canh nén ta loai ngay dap an D.
Chon diém M (1; —1) thudc mién nghiém ta loai dwoc ddp 4n A vi chita bat phuong trinh

y=0.
Dép an B c6 duong thang 4x -5y =10 di qua 2 diém E(O; —2) va F (g ; OJ khong co trong

hinh minh hoa nén loai d4p an B.
Phan khong t& dam trong hinh vé dudi day (khong chita bién), biéu dién tap nghiém cua
hé bat phuong trinh nao trong cac hé bat phuong trinh sau?

2

19
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A x—-2y<0 . B. x-2y>0 . C. x—-2y<0 . D. x—2y<0 .
x+3y=-2 x+3y<-2 x+3y<-2 x+3y>-2

Loi giai
Chon D

Theo dé bai mién nghiém cua hé bat phuong trinh la phan khong t6 dam trong hinh vé
dudi day (khong chira bién) nén ta loai dap an A, C.

Chon diém thudc mién nghiém A(O; 1) thay vao bat phuwong trinh 6 cau B
x—2y>0&0-21>0 (voly) nén loai dap an B.

y—2x<2
Cau 20. Gia trinho nhdt F_, cuabiéu thitc F(x;y) =y —x trén mién xac dinh béi hé {2y—x>4 la
x+y<5
A F_=1 B.F_ =2 C.F_ =3 D.F_=4
Loi giai

JE

Mién nghiém cua bat phwong trinh 1a mién tam giac ABC (ke ca cac canh cua tam gidc)
V6i A(2;3); B(1,4);C(0;2).

\‘“Q%§SF
N

b

\\\;

Fxy)=y-x
Ta c6 F(2;3)=1;F(1;,4)=3;F(0;2)=2
Vay F, =1.
Cau 21. Cho 0° <a <90°. Khang dinh nao sau day ding?
A. tana>0;cota>0. B. tana < 0;cota <0.
C. tana > 0;cota<0. D. tana<0;cota>0.

Loi giai
Chon A

Vi 0°<a<90° nén o nam & gdc phan tuw tht nhat nén tana >0;cota>0.
Céau 22. Cho goéc athéa man sina :% va 90° <« <180°. Khi d6, gia tri cosa bang

A B. > c -2 D.-L1.
13 13 13 13

Loi giai
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Cau 23.

Cau 24.

Cau 25.

Ta c6 90° < v <180° = cosar < 0.

12

2
sina+cos’a=1=cos’a=1-sin*a=1-| == :>C08204=§<:>C08a=i£
13 169 13

. N 5
Ma cosa <0 nén Cosa:—ﬁ.

Cho goc athoa man tana = —g. Khi d¢, gia tri sina bang

A -2 B.

5

Ta c6 90° < v <180° = cosa < 0,sina > 0.

C. ——.
5

ullw
S
o~

Loi giai

4 sina 4 3.
tana=——< :——Qcosa:—zsma

COos«

2
sina+cos’a=1= sin2a+(—%sinaJ :1:>sin2a:§<:>sina:ig

< N 4
Ma sina >0 nén sma:g.

Cho sina = 3 . Gia tri ctia biéu thttc E = cota—2tana la
5 tan o +3cot o
A2 B. -2 c D. -4
57 57 57 57
Loi giai

Ta c6 90° < v <180° = cosar < 0.
. 2 2 2 . 2 3 ’ 9 16 4
sin“a+cos“a=1=cos“a=1-sin“a=1- E = COS azgacosa:ig

sina 3 4
=——y cota :—5

. N 4
Ma cosa<0 nén cosao=—— = tana =
5 COS &

S

3
E_ cota—2tana 3 '(_4J 2
tan o +3cot o 3 ( 4) 57

-——+3.

o
w

Cach khac: GVPB

3 2
E_Cota—Ztana_Coszx—ZSinzx_l—stinzx_ - (5} 2
tana+3cota  sinx+3cos’x 3-2sin’x (3}2 57"
s

Tam gidc ABC vudng & A, c6 gbc B=30°. Khang dinh nao sau day sai?

Mr. Le Minh Tam — 093.337.6281 ‘



Dé cuong on tap Gitwa Ky I — Khoi 10

Cau 26.

Cau 27.

Cau 28.

3

A. cosB= B. sinC:7. C. cosC:%. D. sinB:%.

-

Loi giai
Chon A

Tam gidc ABC vudng 6 A, c6 goc B=30° suy ra C =60°

NG

cos B=c0s30°=—.

sinC =sin60° =

AN F2 IS

cosC =cosb60°=—.

sin B=sin30°=—.

N |~ N

Cho tam giac ABC c6 a+3b+5c=28 va sin A+3sin B+5sinC=7. Tinh ban kinh R cta
duong tron ngoai ti€p tam giac ABC?

A.R:l. B.R:l. C.R=2. D. R=4.
4 2
Loi giai
Tacé —4— = b - % _JR :>sinA:i;sinB:i;sinC:L
sinA sinB sinC 2R 2R 2R

Tt sin A+3sinB+5sinC=7 < i+3.£+5.L =7 <a+3b+5c=14R

2R 2R 2R
<14R=28<R=2.
Cho tam gidc ABC ¢6 AB=c¢,BC=a, AC=b, m la dd dai duong trung tuyén ké tir dinh R

. Hay chon ménh dé sai trong cdc ménh dé sau?

2 2 2 2 2 2
A. cosA:m. B. mzzb re —a—.
2bc ! 2 4
C. V*=a?+c*+2accosB. D. b?* =a® +c® —2accos B.
Loi giai

Theo dinh ly cosin, ta ¢6 b* =a* +c* —2accos B.
Cho tam gidc ABC ¢6 BC=a, AC=b,AB=c. Goi p la ntta chu vi ctia tam giac, r la ban

kinh duong tron ndi ti€p tam gidc va S la dién tich tam gidc d6. Ménh dé nao sau day

dung?
A. S:p(p—a)(p—b)(p—c). B. S=2bcsinA.
C.S=pr. D.S:L;f—blf:.

Loi giai
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Cau 29.

Cau 30.

Cau 31.

Tacd S=pr.

Mot tam gidc c6 ba canh 1a 10,12,18. Dién tich tam giac bf“mg bao nhiéu?

A. 4242 B. 4042 C. 40/3. D. 4143.

Loi giai

Ta co p:wzm.

2
$=,/20(20-10)(20-12)(20-18) =402 .

Cho tam gidc ABC c6 BC=a, AC=b, AB=c va co6 dién tich S. Néu tang canh BC lén 3
lan va giam canh AB di 2 lan, dong thoi gitt nguyén goéc B thi khi d6 dién tich tam giac
moi duoc tao thanh bfing

A. 2S. B. gS. C. 6S. D. %S.

Loi giai

Taco S :%AB.BC.sinB .

Néu tang canh BC 1én 3 lan va giam canh AB di 2 lan, dong thoi gitt nguyén goc Bthi
khi d¢6 dién tich tam gidc mdi dwoc tao thanh bf!mg

S'ZE-BBC-ﬁ-sinB:§ EAB.BC.sinB ZES.
2 2 2\ 2 2

Trén bién mot con thuyén tha neo 6 vi tri A. Mot nguroi diing 6 vi tri K trén bo bién mudn
do khoang cach ttr nguoi dé dén con thuyén, nguoi d6 da chon mot diém H trén bo véi K
va do duwgc KH =380m, AKH =50°, AHK =45°. Khoang cach KA tlr nguoi do dén con
thuyén bang

NN N N ~ o~
~ -~ t‘:-‘l ~~ ~ N
~ ~ NN NN
~ ~ -~ ~ ~ N
s0° - N
45°
H » 380 m
A.KA =270 m. B. KA ~280m. C. KA ~290m. D. KA ~300m.
Loi giai

Xét tam giac AHK: AHK =180°—( AHK + AKH ) =180°—(45°+50°) =85°.

AK HK AK - HK.sin AHK _ 380.sin45°

= = ~269,73m
sin AHK sin HAK sin HAK sin 85°

Ap dung dinh i sin:
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cho tam gidc ABC ¢ BC=a=+2x+1,AC=b=2,AB=c=3. Néu géc A cua tam giic
bang 60° thi gia tri ctia x la
A.3. B. 4. C. 5. D. 2.

Loi giai
Chon A

Xét tam giac ABC: cos BAC =

x>—=1.
2

2BA.AC 2.2.3 6

BA2+Ac2_Bc2 22+32—(‘\}2x+1)2 6_x( 1)

Do goéc BAC =60° = 6;6x =c0s60° < 6;x = % < x =3( thoa man diéu kién).

Két luan: x=3.
Cho tam gidc ABC c6 d6 dai ba canh1a BC=a, AC=b, AB=c. Goi m,,m,,m_Tlan luot la
d6 dai cac duong trung tuyén ké tr cac dinh A, B,C. C6 bao nhiéu ménh dé dung trong

cac ménh dé sau day?

0 m2:b2+c2—az_
a 4 4
2 2 2
ii) cosC=2"2 "¢ b —c
2ab
2 2 2
ﬁn@+@+¢=i%§i
A.1. B. 2. C. 3. D. 0.
Loi gii

Z(b2 +c2)—a2

Ta c6: m’ =
4

nén i) la ménh dé mang gia tri sai.
a’+b° -c°

cosC = BTy nén ii) la ménh dé mang gid tri dung .
a

2(b2+c2)—a2 2(512+c2)—b2 2(a2+b2)—c2 3(b2+c2+a2)

m’+m; +m’ = + + = nén iii) sai.
4 4 4 4

Cho tam giac ABC c¢6 AB=c¢,BC=a, AC=0b va R la ban kinh duong tron ngoai ti€p tam
gidc ABC.Dang thtic nao sau day la dung?

A% b ¢ g B2 - b _ ¢ _or
sinA sinB sinC sinA sinB sinC
C. a = b = C = i . D. a = b = C = l .
sinA sinB sinC 2R sinA sinB sinC R
Loi giai

Diéng thiic ding 4 b <

sinA_sinB  sinC
Cho tam giac ABC ¢6 AB=c,AC=b va BC=a. Trung tuyén AM c6 d6 daila
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Cau 36.

Cau 37.

Cau 38.

A. AM =+ -a”. E.AM:%\/2b2+202—a2.
C. AM =+/3a* —2b* —2¢% . D. AM =+/2b* +2c* —a?® .
Loi giai
1 2 2 2
AM:E\IZb +2c"—a

Cho tam giac ABC c6 AB=5,AC =8 va BAC =60°. Khi d6, ban kinh duong tron ngi ti€p
tam giac ABC bang

A1 B.2. C 3. D. 243.
Loi giai
, 1 . 1, . .
Tacé 5, =- AB.AC.sinBAC=_58.5in60°= 103

BC = \/ABZ +AC?-2AB.AC.cos BAC = \/52 +8%-2.5.8.cos60° =7.

.y S 1043
Laicd S,,.=pr=r= ;‘:C =t 8.7 ~3.
2
Cho tam gidc ABC c6 canh b=6,.c=8.gbc A=60°.Khi d6 d6 dai canh a bang
A. 2413 B. 3V12. C. 24/37. D. \/20.

Loi giai
Chen A

Ap dung dinh ly cosin ta c6

2% =b? +c% —2bccos A = a? :62+82—2.6.8.%=52:>a:2\/1_3.

Vay a= 2\/15 .

Hai chiéc tau thuy cting xuat phat tir vi tri A, di thang theo hai huéng tao véi nhau mot
goc 60°. Tau thir nhat chay véi tdc dd 30km/h, tau thi hai chay véi tdc dd 40km/h. Sau 2
gio hai tau cach nhau bao nhiéu km?

A. 13 km. B. 15413 km. C. 204/13 km. D. 15 km.
Loi giai
xe 1

xe 2

Trong 2 gio, tau 1 di duoc quang duong la AB=60.
Trong 2 gio, tau 2 di dwoc quang dwong la AC=80.
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Cau 39.

Cau 40.

' J FJ
Sau 2 gio khoang cach gitra 2 xe la BC

Ta c6 BC? = AB? + AC? —2.AB.AC.cos60° = 5200 = BC = 20~/13 .

D€ do chiéu cao tir mdt dat dén dinh cot co cua moét ky dai trede Ngo Mon (Pai Noi —

Hué), nguoi ta cdm hai coc AM va BN cao 1,5 mét so v4i mit dat. Hai coc nay song song

va cach nhau 10 mét va théng hang so véi tim ¢t co (hinh vé minh hoa). Dat giac ké tai

dinh A va B dé nhdm dén dinh cot o, nguoi ta dwoc cac goc lan luot 1a51°40" va 45°39

so v6i duong song song voi mat dat. Khi do, chiéu cao ctia cdt co (lam tron 0.01 mét) bang

A.54,33m. B. 56,88 m. C. 55,01 m. D.54,63 m.

Loi giai

D

[
E o B
F M N

Theo dé ta c6 DAE =51°40', DBA =45°39', AB=MN =10m.
Suy ra ADB=51°40"-45°39"=6°1".
Ap dung dinh ly Sin trong tam gidc DAB ta c6

~ 10.sin (45°39'
AB DA __ ,,_ABsinDBA _ (45°39')

sin ADB sin DBA snADB  sin(6°1)
Tam gidc DEA vubng tai E nén ED = DA.sin DAE = 68,22.sin(51°40') ~53,51m .

~68,22m .

Chiéu cao cdt co la 53,51+1,5~55,01m.

D€ do khoang cach tir mot vi tri N trén bo song dén mot goc cay tai A trén cu lao gitta
song, nguoi ta chon mot diém M cung ¢ trén bo véi N. Biét ta do duwoc MN =32m,

AMN =30°, ANM =42°. Khoang cach tit N dén gdc cay A bang
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M

A. AN ~14,82. B. AN ~15,82. C. AN ~16,82. D. AN ~17,82.

Loi giai
Theo dé ta c6 AMN =30°, ANM =42° nén MAN =108°.
Ap dung dinh ly sin trong tam giac AMN ta c6
MN AN MN.sin AMN _ 32.sin30°
= = AN = =— -
sin MAN  sin AMN sin MAN sin108
Khoang cach tir N dén gbc cay A bang 16,82m.

~16,82m

HET
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