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LI NOE DAY

Cac ban thin mén, hinh thic thi tric nghiém doi héi chiing ta'phai hoc rdng, phai
bao quat hét kién thirc vﬁc‘&h c6 mét tdc dd thiat nhanh d€ giai quyét cac bai todn.

Cudn séch “Chinh phuc diém 8, 9, 10 bai tip tric nghiém Giai tich” ra ddi nhim
muc dich giap cic em 1am quen va luyén tap thit nhiéu cac dang toan nang cao hay
gip trong dé thi, ddc biétla cac cdu hoi van dung cao.

Céc bai tap duoc dura ra trong cudn sach nay dugc phan chia theo-chuyén dé rd
rang. C6 huéng din Iy thuy#t, c6 bai tip mau va 6 rt nhidu cic bai tap d€ cac ban
thyre hanh.

D# cai thién nhanh t8c @6 thi cac ban cin phal lam gi? Trudce tién la phai hiéu rd
ban chét, thudc cac dang toan. P& tir 46 hinh thanh dugc 18 te duy va ky thuatxee ly
tinh huéng nhanh. Cudn “Chinh phuc diém 8, 9, 10 bai tip trdc nghiém Giai tich”
14 co héi t8t d€ cac ban rén luyéh nth{ing bai toan khé va ning cao & phin khic diém
8-9-10. Kho bai tap tw luyén phong pht dugc suu tip tir: Cac dé thi dai hoc cdc ndm
truedc, tr cae d@ thi thir ndm trede va mét s6 bai dugce chon loc tir kho bai trén cac
dién dan internet va clia mot s6 thiay cd gido khéc. Trén co s& cic bai todn ty ludn d6,
 tAc gia da tao ra nhimg cdu hoi trdc nghiém phii hop véi dé thi nim 2018. _ -

Khéng ¢ gi cai thién t5c doc giai todn rthanh hiéu qua bang viéc cacem tu minh giai
thatnhidu cic bii todn tirong tu, d6 12 kinh nghiém d& hoc va lam bai tedc nghiém.

'Véy con chén chir gi nita, nao chung ta hay cung nhau LUYEN TSC DO d& c6 ket

- qua cao nhat trong ky thi s3p téil ‘

Mic du da 8 ging hét stkc cling khé c6 thé tranh duoc sai sot trong qua trinh bién
soan. R4t mong nhan dwgc sy dong gop ¥ kién tir phia déc gia d€ 4in tai ban sau
dwroc hoan thién hon.

Ching tdi trin trong cam on!

Tac gia

© Méi ban vio tryc tuyén tai: khangvietbook.com.vn d€ c6 thé cip nhjt va mua
online mét cich nhanh chong, thuin tién nhit cac ta sich caa Cong ty Khang
Viét phat hanh. : .

'S8 dién thoai: (028) 39103821 - 0903906848



Phin1:

CONG Tﬂﬁc em NHANH HAM TRUNG PHUGNG

y=ax* +bx* +c

Di kién Cong thirc thda ab <0

{1)B,CeOx. ' b’ —4ac=0
|2yBC=m, - - am? +2b=0

|3) AB= AC=n, 16a’n} ~b* +8ab=0

4)BC kAB = kAC bk’ -8ak?—4=0
| 5) ABOC no1t1ep | (E—AJ =0

b 4a

6) ABOC 12 hinh thoi b’ —2ac=0

7) Tam gidc ABC vudng can tai A 8a+b’=0

8) Tam gi4c ABC déu 24a+b’ =0

|9 Tam gidc ABC 8 goc BAC = o

8a+b’.tan2%=0

10y Tam giac ABC 6 3 goc nhon Rab+b’ >0
11) Tam gidc ABC c6 dién tich S, 32a°St+b° =0
12) Tam giac ABC 6 trong tAm O - b’ —6ac =0

/13) Tam giac ABC 6 trgc tam O b’ -|_-Sa— dac=0
14) Tam giac ABC c6'01a tAm du’ong tron ndi tiép b’ —8a—4dabc =0
15) Tam gidc ABC c6 O 1a tdm dudng tron ngoai tip | &’ ~8a—8abc =0
16) Tam giac ABC ¢4 diém ewe tri cich du truc hodnh | b®—8ac=0

D5 thi ham s8y = ax* + bx® +¢ cit truc hoanh tai 4 diém Iap thanh mdt cip s8 cong:

|ac>0
- jab<0

v’ ————ac
9
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Chinh phuc diém 8, 9, 10 bai tap tric nghig¢m Gidi tich

CONG THUC GIAI NHANH KHoANG CACHS méM GIAQ
CUA HAM BAC NHAT VSI DUSNG THANG

& day cho trude.

Giao diém ctia dudmg thing y = Kr+ £ (m) v6i dudng thing y:AAx “;
: : . 'x+B'

Phuong trinh hoanh d6 giao didm bién d6i thanh: ax? +bx +¢ = 0

A,B1a2 giao dim. AB=\[(x,~x, )’ + K (x, - =vK? +1af(x +x,) —4xx,
-b < ' ' '
B sxl Xy =

= AB= «/—\/m J“‘—

— vay=x+m catnhautalZdlemAB b d() dai AB= 4\/—

VDl Budng cong y=

Giéi:
= 2x-1=x’ +mx—-2x-2m
D+ (m-)x+1-2m=0,A=(m—4)" —4(1-2m)=m* +12
k=1aélb=;}a—4c=(1—2m)
=> 4B =2[(m—4) ~4(1-2m) =2l +12 =42 = +12—16:>m +2
Vi delta Iuén duong nén 2 gia tnmthoa man.

VD2 y= 2x+ ]1 ,¥'=2m—x catnhau tai 2 diém ABc6db dai AB= \/—
x

Gidi:
Phuorng trinh hoanh dé glao dtem
x+1
2x-1 .
a=2,b=-4m,c=2m+1,K =-1
A=16m" —16m— 8>0

AB—”;E_ b - ‘/_Jmm ~8(2m+1) J_

—2m—x—->x-f-_1=4mx1—2x —2m+x:>2x2—4rﬁx+2‘m+l=0'

3

= 16m —16m—8= 4= 167 —16m=12=0 = dm’ —d4m -3 = 0 = m =——;-,;n=5

Kiém tra lai diéu kién ctia delta xem sao.
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DUGNG THANG PI QUA 2 DIEM CUCTRI.

CUA HAM BAC 3

Du!(‘rhg thingdi qua hai dié’m cuc tri ctia 46 thi ham s8y =axX’ +bx® +cx+d ¢6 dang

y
Y=Y ig Y

CHUNG MINH

CAC CONG THUC CUA HAM TRUNG PHUCNG

Bii todn 1: Ham s8 y=ax’ +bx’ +c (véi a2 0) ¢ y'=4ax’ +2bx

x=0
y'=0<:>'2x(2ax2'+b)=0<:> ,_—h
: X
: 2a

; PR ’ e . \ N + oA - A —b ’ a N A . -
P&ham s8 ¢d 3 difm cue tri thi ta can cb didu kién: 5 >0tkcla a, b trai ddu. Khi doé

a

' técé:xii}H—b
o : 2a .

a
, : a ;
; . fra s - i AN ;
Khi do 3 diém cyee tri thwong dwoe ki higu la : ],’ |
A(0;c); B “—b;c—i . C —J—b—;c—b— EI A
S 20 4a) V22 -4a L } !,1
) . - [ \
. Ttec 13 tam gide ABC néu cd s8 ludn ludn can tai A. SV \J
B C
D6 thi:

Vi tink asi xu’ng ctia cic difm cyc tri néne b rét nh;eu ba1 toan tim tham s8m lién

- quan dén 3 diém nay:

Bai todn 2: Tim m dé€ 3 diém cuc tri tao thanh m{t tam gidc vudng can.

Chieng minh: 3 didm cyc tri tao thanh tam gidc vudng cin

e Dl=D4Ae i=c— c—--l1
2a 4a
. ) o : 1 2 :
(Pung vdi ca 2 truomg hop ¢ ——>0va ¢-—<0)
_ _ ; 3 4 aa -

N 2
& —b-—-—é-—@ 8a+5 =0
2a a




Ch.mh phuc diém 8, 9, 10 bai tap trac nglnem Glé: tich

. -

0 Bai tip ag dung:
Cau1:Tim m d€ham s§ y = x* +(m+2017)x" +5¢6 3 cyec tr tao thanh tam gise vudng can.
- Gidi: :
Odaytacs:a=1,b=m+2017 Tz 8a+b> =0=> 5" = -8 = m = 2019
[Bii todn 3: Tim m_dé€3 diém cyec tri tzo thinh mét tam gidc déu. : 1
Cong thite: 24a+5" =0 o
2
Chin gmmh ABClatamglacd‘éuDC DAc:»f -—.[ —(c-j—ﬂ
a .
5 2 3 i
< b L5 b —1¢:>b’+24a 0
. J_4a ‘ 24a
0 Bai tap ap dgr_lg.

.Cin 2: Tim mdr_é’héms_ﬁf yzgx‘1 +3(m-2017}x" +12¢6 3 ey tri tao tHanh tam gidc deu.
| _ Gidi; _ -
) Véi‘a_=§—‘,b=3(m-2017)."{'fx 24a+b* =0= ' =-27 = m =2016
Céus: T“ﬁn m @& ham sé’y=%¥"+(2m+4)x2—ll-cc’> 3-cu'ctritao thanh tam gidc déu.
| | - Giai: ”
Vi a=l, b=2m+4.Tx 24a+53,=b=>(2m+4)3 =—8=§m=-3

Bii toin 4: Tim m d€ 3 diém cuc tri tao thanh mot goc xic dinh. ) —]
Cong theec: 8:2'-t~b3 tan czz 0

Ching minh; BAC = khi va chi khi

- 2
- - o
tan«(f:QE@tanﬁ:—za—@ /-E=i-tan£_<:>8a+b3-tan2—,=0
2 DA 2 b 2a 4a 2 _ 2
c C——
; 4a

- D3 Bai tip ap dung: -
Cau4 Tim m d&ham s6 y 3x +(m 7)x +3c03cgrcmtao thanhtamglaccomotgoc 12()o

Gidi:
V& a=3b=m~7.Ti 8a+5. tan260°—0=83+3(m—7)3—0<f>m—5 ,
* Ciu5:Tim mdehamsoy mx* +mx’ +3c:o3c¢ctntaoﬂ1anhtamgtaccomotgoc 60°.
Giai:

Véi a=m, b=m,T1‘r 8z1+b3.rlan23{')°'=0-:5_8m+ém3 %0@m=0
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Didu kién d8 cd 3 diém cxc trila:ab<0,nénlogim =0

Bai todn 5; Tim m d& db thi ¢ 3 cyc tri tao thinh tam gidc 6 dién tich1a S, .

Cng thite: 324°(5,)" +5° =0

Chirng minh:3 cye trj tao thanh tam giac cé dién tich 13 S, khi va chi khi:

L pa2pc- Sy LY . bz = (8,) = @32&‘(3) +5 =0

2 2 2a

* (1 Bai tip dp dung:

Chu 6: Tim m d& ham s6 y = mx* +2x* + m—21¢6 3 cyc tri tao thanh tam giac c6 dign tich
bing 1. ' )

_ _ Giat:
V6i a=mb=2.Tit 32&°(S,)} +5° =0=>32m +2° = 0= m=—1

[ Bai todn 6: Tim m €3 cuc tri tao thinh tam gidc ¢6 dién tich 16n nhit.

T 7 T ’ i b5
Cong thic: 8, =, |J———
BN T R
- 2 b’
Chimg mink: 324" (S,) +8=0=8, = 5
a

0 Bai tap ap dung:

~Cau 7: Timm d& ham s6 y :x4¢:‘2(1—m2)x2 +m+1 ¢6 3 cuc tri tao thanh tam gidc ¢6
dién tich 16n nhat. ' '
_ Giai: -
Véi a=1b=-2(1-m). Tkt § = [(1-m*) €1=>m=0
Chu 8: Timm &€ ham s8 y=3x* ~2(16-m*)x* +m* +2 6 3 cc tri tao thanh tam gidc co
dién tich Ién nhat. ' '
Giai:

Véi a=3, b=-2(16~m*). Tiz 5, _\Fs ) \/(16) =0

Tix 46 tim duegc m=0

Bii toan 7: Tim m d€ 3 cuc trf tao thanh tam giac ¢6 ban kinh dudng tron ndi tiép cho
tr:ré'c. )

b2
Cong thu’c Faape =T, =

. —
4|a|{1+‘{1—b—J
_ 8a




Chinh phyc digm 8, 9, 10 bai tip t-rfncr nghiém Giii tich
32a° _ b
2 2 . 3
£, —b) + ﬁ) 4lq| 1+\/1—b—
2a 2a 4a 8a

. ~ At 2y ~t 3 . . Y - .y v s s .
Cau 9: Tim m d€ ham sé y=x4—mx2+5 ¢4 3 cize tri tao thanh tam giac 6 ban kinh

Chlmg minh: Ta cé: Taan: =pk =7 =-
O Bai tip 4p dung:

dudmg tron néi tiép bgng 1.
Giai:

‘ : gl ' ‘

CVéia=l bz=-—m. T r -]=1:>m=2

ra:_—""}_
4[1+,[1*ﬂ
8

Bai toan 8: B, C 14 2 di€m cuc tri c6 tung d6 bing nhau. A 13 dim cuec tri khic tung déo:

y=az' +ba’ +c

BC=m,
amg +2b=0

Suy ra A(O;C)sB ;b:yﬁ :C _b yg =>BC' ——2—b=m ‘1'-:> am +2b 0
: \ 2a VZa _ a
0 Bai tip dp dung: l
Céu 10: Gia trj cia m d€ @6 thi ham s8 y = x* - 2mx? + 3m -2 cd ba cize trj Ae Oy, B,C
saocho BC = \/._‘5- 1 )
A."’-’:% | B.m=1" Cm=2 D.m=~
. Glal

Vma*lb——2m Tuam +26=0=>5-4m= O@m—-i—ChonA

Ciu 11: Glamcuamdedothlhamsoy mx -mx +1- mcobacuctnAGOyBCsao
cho BC = J_Ia _ E : _ . :
A.m=1 - B.m=0 C.m=-1  D.m=-2
' L Gidi:

V&'a=mzrb=—m Tl am; +2b=0=m=1vi m#0.Chgn A.

Bai toan 9: B Cla2 dlem cuc tri cé tung 46 bang nhau. A 1a di€m cye tri khic tung d6:

y=az' +bx’ +c
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AB= AC n0,16a -5*+85=0
Suyra o

b ___b - b b2 bZ —b b4 5
A(0;c), B Cl=—.y, |2 4B’ =——+| a———| =—+ =n
( ). [\/ ’y"] [\}zc: yf’J 2a (?4& 2a) "2a 168

- $>16a —b4+86=0-.
0 Bai tap ip dung;

Céu 12: Gia tri ctta m > 0 88 db thi ham 58 y = x* —2mx? +3m -2 cdbacyc trf 4y, B,C

_saocho AB=AC_=3~J— la: )
i A.m=% B.m=1 ‘ Cm=2 : D.m:.l
. - . Giai: .
Vcna lb—HZmTu'16an —b4+8b 0=m=2,dom>0.ChonC.
Cau 13: Gia tri cita m € Z d€ d6 thi ham s6 y= mzx —poé +1-m céba cuc tri A0y, B,C
"saocho AC = A4B=2la: : ‘
A.m=1 B.m=0 C.m=-1 D. Khéng c6 mthéa méan.
| : Gidi:
: m=0
Véi a=m2,b=—m."T1‘r16azn02—54+8b=0=> i/?
. . m=3=
15

Thix lai khdhg c6 m thoa man.Chon D,
Bai todn 10: B, C14 2 dlem cixe tri ¢6 tung dd bing nhau. Ala diém cuc tri khac tung daé:

Y = a.:c+bcc +c

B,CeOx;b’—dac=0

' '/ﬂb [ - b |
A(O;c),B[ —Z—E,yﬂ],C[—- E—,ygjéyg:0@—4—a.+Cz0¢>b2~4ac=0

£ Bat tip 4p dung:
Chu 14: G1atncuamdedoth1hamso y-x -2mx® +3m -2 cobacuctn AeQy
B,CeOxla: '

m=1 ' : : i
Al ) } B.m=1. C.m=2 D.m=—
m=2 - o 4

e . Y s, 22 2 m=1
Vhia=Lb="2mc=3m-2.Tk b* -4ac=0=4m" ~12m+8=04 2.ChQnA.
. . me=




.| Bai toanlz B, Clazdxemcyrctqco tung d¢ bangnhau Aladxemm,rctnkhac tung dé:

Chinh phuc diém 8, 9, 10 bai t4p tric nghiém Gidi tich -

 Cau'15: G1atncuamdedot1uhamsoy m'x mx2+1cobacucmAGOy,BCerIa

A.m=1 B.m=90 C.m=-1 ' D.Khéng cé mthéa man -
_ . o Giais _

Véi a=m'b=-mc=1.Te b’ —dac=0=m*-4m* =0 = m=0.

Khéng c6 m théa mén.Chon D..

Bal toan 11: B, C 14 2 di€m cyc trj cé tung do bang nhau. A la dxem ciee tri khic tung do

y=az' +b’ + ¢

Tam gidc ¢6 trong tam O; b* —6ac =0

A(Oc) B ’ b,yﬂ ,C J b,yﬂ :>c+2yB:Oﬁc—£-+20=0ﬁbz—-6ac=0.
2a 2a 2a : 7 _

[0 Bai tap 4p dung:

Ciu 16: Gia tri cia m d& d5 thi ham s§ y = x* —2mx? + 3m— 2 ¢6 ba cuc tri tao thanh
tam giac nhén O Ia trong tAm 1a:

=1 - ' ) + 7 ' . o .
A" ]3.m:9_‘[:E - Cm=2 D.m:j:l
m=2 : : 4 L : 4
Gidi: |
: ' +
" Vai a:_l,b=_—2m,c=3{n—2,Tfr b2—6ac=0=>4m2—6(3m—2)=0¢>m=9_;[55
Chon'B.
Cau 17: Gia tri ctia m dé& d6 thi ham s8 y mx* — i +1 co ba cuc tri tao thanh tarm glac .
nhanOla trong tam la: ) :
A m=1 B. m=1] Cm=@ D.m=2%/5

Giai:
Véi a=m’,b=-m,c=1.Tit b* —-6ac =0 = m = 0. Chon C.
Vi m =0 khong tﬁéa man d€ c6 3 cuyec tri.

y = ax’ +b:cz+c

TamgiécCétl"l.l’Ctémjo;bJ-#ga—-flac:O . o -
o). Bl |22 b = b (Y B

A O;C 5B -, ,C = :}A _C = [ —_ :0
(0¢) ( 2a ng [ 2a yB)— _ 2a [ 4a)( 4a )

éb?+8a—4a¢=(_)._ _ o . _ -

10
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Cau 18: Gi tri ctia m & d5 thi ham s8 y = x* —2mx’ =2 ¢6 ba cye tri tgo thinh tam

‘gidcnhdn O la tmc tam 12 ‘ :

A.[ m=l B.m=9i‘/§ C.m=32 D. m=t1

i Véia=1,b=-2m,c=-2.Ti b +8a—4dac=0=>—8n’ +8+42=0c m=42.

| . ChenC. | | -

: Cau19 Gxatncuam d€ @6 thi ham s8 y = m'x’ —mx" +1 c6 ba cu:ctntaothanhtamglac
" ) nhan()latmctamla _ : .

Am=l. B m=1l C.m=4 D.m=+5

| S Gii: : '

Voza m b——m,c 1Tub3+8a 4ac= 0=>~m +8m’ —Am* =0 > m=4.
Do m;tO ChonC "

er toin 13 Khoang cich tir mét diém dén hai du:(mg tiém cin.

ar +b

Chl’mg minh: Cho 5 thi ham s6 (€): ——
T cT +

-D1em M thube (C)

b6 thi ham sd (C‘) ¢6 dudng tiém cin dimg © = — v tiém cin ngang
. \ c :

) — +b
y—hmax-'-b:E;Mr (O)zM{ ]az + }

=eer+d ¢ ez, +d
: mogng céi:_h tir M dé’n dub*ng tiém cén ngang: d = 37(; +£ci-
_.Khoéng Céchtf.r M '-défl_’l du'&mg tigm can dimg: d, = |y, — o_[*%tt _a
: _ c| |ex,+d ¢

Suy Ta khoang cachtu’ M dénhai du’(mg tiém cén:

dﬁ-dl+'d =l + +Iaa:+b_ra ] +d| Iaca: +bc —acx ,—ad|;|czn+dl+l bé—adl
‘ A Ic.z+d ¢ | | ’ (cm-i—d)_ I | c | !c(c’r:+d)l
Ap dung bat déng thirc Cauchy: a +b > 9ab véi a,b >0 tacd:

CG'-‘ +d|l b — ad l bc—ad'
” c:c+d)l | l &

d> 2

11
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Chmh phuc diém 8, 9, 10 bax tap tric nghlem Gidi tich

R - +d||bc |
o ol

(2, +a)l =[pcad] dén day thi tiy bii

chon cach xiz If cho phirthgp. ) : .
Vay khoanig céch rthé nhat tir mét digm M bat kj thudc (C) dén hai duong tiém can I

[ dm‘:z‘/?c"f‘i ] )
[

1 (C). Téng khoang cach tir diém M trén {€) dén hai tiém

03 Bai #ip dp dqu:
Ciau 20;: Choham sd y = L+

. 2z+1°
can ctia (C)bing 4 . Tim gi4 tri nhé nhat clia chinh kigy chit.
A2 : B.v2 C.1 . D23
‘ . Giai: T
d, = \ﬂbc “d]_ \ﬂg Y _1.Chonc.
¢ | el
z+1

Cédu 21: Cho hdm s6 y = P (C’).Tim diem M trén (C) sao cho tong khoang céch tir
T

M dén hai tiém cin ctia {C) nho nhat.

_.11;0) CBam(-10) 'C.{M(I%J l '-D'M(L%J

i2




khangvietbook.com.vn DT: (028) 39103821- 0903906848

MEO CASIO

l,-Da_mg 1: Viét phueong trinh ti€p tuyén, gidi nhanh.

viét phurong trinh ti8p tuyén cira (C) tai x = 1.

5 | C_‘?m 1:(C):y.=_ 2;:11

31 11 4 1 1
Ay=—x—— B.y=—x+= Cy=—x—— D.y=—x-2
YRRy YT 7373 773
Giai:
Tanhap: VINRGL staEs oL wsi . ChonAvichicé Acohé $8 goc %
B mwa D& kifm tra xem d8 sai khéng ta nhap ham s&:
... [2x— ]I e 7 (
. XA Hel Jx=l (C):y="— r6i badm CALC véix=1duoc y=—,
: . 0.75 x+1 _ 2

ta sé ding cb tl'n.’rc:'——x D+== —x——d
sé dung cdng y=—( )2 273

Bai toan nay dé cho hg, néu cho mét du’cmg thing khéc ciing cd hé s8 géc k =% thi ta
phéi Iam nhiéu viéc hon. ' '

Cau2:y=x*—2x", viét phuong trinh tidp tuyén tai x =-2.

A.-12%+2 B.12x+2 €.-24x-40 D.-24x +4
' ' ' _ Giai:
. Tanhip: vmmon. SHES PLSH Chon C, D vi chi ¢6 C, D méi ¢6 hé s8 gdcla -24.
T pEkigm tra xem dudng thing nao méi la tiép

- d( 4 - ;): i & tuyén ta sé sir dung chirc ning Table (khi tigp xiic
Frat et ap] thi phrong trinh c6 nghiém kép, ta ki€ém tra
-2 nghiém kép @€ phat hign tiép tuyén).

" Baim Mode 7, nhap ham x'~2x% +24x+40
Star: -2,1, end -1,9, step 0,01, quan sat bang ta c6:
Qua.n sat chng ta thay dau chia ham s8 nhip khong dai, tu' am dén 0 (tai x = -2) r6i lai
am. Chimg o rang tai x = -2 thi c6 nghiém kép. ~

B R e ST

Math’
i F (H)
5l -d.n2}8. 6ol
Bl - g
1 [ A BT ]

1.93
Chon déap s8 dung la C. Néu ban kho#n cic ban thiy dé}i én D. 58 khéng c6 hién tuong
“vay.
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Chinh phuc diém 8, 9, 10 bi tjp tric nghiém Gidi tich

- -

Dang 2: Phim:ng trinh dudng thing qua 2 diém cyc tri.

Cau3: Cho: y=x’ +6% +9x+3 Tim phuong trinh duong thang quazmc tri:
y'= 3x +12x+9 > x=-l,x=-3
x* +6x? +9x+3_=(9x +12x+9).g(x)+ax+b-
o o . Gi:
Vi tai x = -1, x=-3 thi y’ = O'nén (9x* +12x+9).g(x) = 0
" Nhiép * +6x7 +9x+3

VINRCAL St PLESH - Bam CALC: x=-]1—>y=-1'=—g+b= -1
I

X3+6X2+9%+3 |

.-
VINRCﬂL' S?nE.'l‘.Pf.l-’.‘Hi““:M.um ) Bé’m CALC. = ..._3 - y= 3 N _3a‘+‘b — 3
. Gidi ha ~a+b%"—1_'> a=-2
L 9 M3th & . iai
KO+EXZ4IY+T - SR Ba4b=3 " b=

3

Vay phtrong tnnh du’o*ng thing qua 2 cue tri la: y=—2x-3

Cau 4: Tim m d& cac ham 56 y = 2x> +3(m - Dx* + 6(m— 2)x lco du’cmg thing di qua hai
diém cyc tri song song voi du’orng thang y=—4x+1 _ ‘
Am={-1-5}  B.m={5} C.m ={1;-5} D.m={-15}

- | Gidi: o
- Chgn B, S

Giai ngugce 1én, chon dap in rm thu‘ 1€n trén.

'y =22 430m—1)x +6(m—-2)x—1=>y (1) =627 +6(m —1)x +6(m — 2)

+Hjm=1,y= 2x —6x— 1::’>y '(x)= 6x —6—0<:>x~i-_1 .

y=2x —6x 1=(6x° -6)g(x)+ax+b

Nhapr -6x-1 -~ bAm CALCx= 1ray——5:>-5 a+b
_ bamCALCx--lray—3:;3—-a+b
'I“unduoca —4b—1 '
Liac nay phu'ong trink dudng di qua 2 diém cyc tr 1a: y= dx - 1.
;Vaym 1 thoa min, loat A, D.

._+)Lamt|.rtmghr m =5 ta cd: y'(x)=6x +24x+18 0<:>x——-1x— =3
 y=223 41247 +18x 1= (627 + 24)x + 18)g(x) + ax + b

14
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Nhip 25> +122% +18x-1 bim CALCx=-lray=-9=>-9=-a+b
' bdm CALCx = -3ray——1:>-1-—3a+b

Tim dwege a=-4, b=-13

Lic nay phuong trinh duongdaquaZdlem c:t,rctnla yo=-4x— 13

Vay m =5 théa mén, loai C.

" | Dang 3: Tim khoang don diéu ham sd.

Céu 5: y = x’ —3x —1 nghich bién trén:
A.(—o0;1) va (;+00) B.(1;+0) C.(-11) _ D.(0;1)
7 ' Giai: ’

Nhép i(Jc —3x— 1) Biam CALC:x =2 thdy duong — loai A, B.

Bim CALC: x = —% théy > 0=>Chon C.
Ciu6: Hamsg y= 2 dong bién trong khodng nao:
: Ji6—x* :

A.(-%4) o B(-51) C.[-11] | | D.-(o;l)
' Giai:

Bim CALC: x= -3,9 thdy duong

Nhap -‘-f—(_—x J
V16—x

_ _ CALC: x=3,9 vd CALC: x=0: thiy duong

=Chon A diing nhit. '

3

Cau 7:y= m I—Iam 58 déng bién trong khoang nao. Chon' dap an ding nhit:

A(-o1) B-(O?-”)_ | C.(- 3+oo) - D{--3)va(3+e)

Giai:

S
Nhgp 2| -
&\ x* -6
Taxét D trwde: Bim CALC: x=3,1 thiy >0; CALC: x=-2,9-thdy >0
. =KhanéngcaolaD.Loai A, B, C vi khong chira tip xdc dinh.

X=X

I Dang 5: Tim m d€ ham s& ¢6 cuee dai, cuc tidu tai x bz‘?mg gid trj cho trurde.

Cau 8: Tim m d&€ham s6 ¢6 cyc tifu tal x =2, y=x"-3mx’ + (m" - 1)x+2‘, m 1 tham s8.

Am=-2 B.m=-1 Com=1 ) - Dm=2

15




Chinh phyc diém 8, 9, 10 bai tap tric nghlem Gidi tich

ks Y Cach khédc nhanh ho'n

Hdéc ching ta nhap luén ham 2 bién nhw sau: %(Jc2 -3y + ( ¥ - 1)x+ 2)

B&m CALC: x =2,y =—2 — Két qua 362 0;
CALC: y=2,y=-1->Ké&qua 24 %0, loai. - _
CALC: x=2,y=1>Ké qua=0, xettlep CALC: x= ly 2 —>Két qua -12, loai.
Viy Chon C. ,

Ciu 9: Timm dé ; y=~x +(m+3)x’ —(m +2m)x 2 datcu'c dai tai x=2"

m=0 m=0 m=0 m= O
A. - B. C. D.
m=-2 : m=3 m=2 m=-3
Giai: :

Nhap —q-»(—x +(y+3)x —(y +2y)x 2)) ) : J

Nhap CALC: x =2; y=0thdy bing 0.
= T4t ca ding (C4i nay khéng can thix vi y nao ciing cd)
CALC: x=2;y=-2 ra -8 (loai); CALC: x=2;y=3 ra-3 (loai)
‘CALC: x=2;y=2 ra0 (xem xét); CALC: x=2;y=~3 ra-15 (loai)
. Vay khéng can thir nita =>Chon C, ‘

* | Dang 6: Tim gid trj 16n nhat; nhé nhat caa ham s3 dua vio Casio,

Céu 20. Tim GTLN va GTNN ctia céc ham 8 saw y = 2x° + 3% — 12 + 1 trén [-1; 5] La:

A.max y = 266. B. min y = -6. Cmaxy-]ﬁﬁ D;miny:6.'
& Ry LT &)

Giai: -

- Giai bing Casio nhu saw:
Dung chitc ning Table hofc chitc nang CALC d€ tim.

> Dung CALC ‘
Budc 1: Tinh dao ham tim nghiém, so sanh nghiém véi 2 gid tr bién xem né 6 thudc
khoang yéu cau khéng.
Bwedc 2: Nhap ham sf da cho, bim CALC véi céc gia trj bién va gia tri lam cho y’ =0
{néu gia tri nay thude khoang yéu cau), sau dé so sanh cac gla trl tinh dugc. Néu gia tri
cao nhét ta cho max, gi4 tri thdp nhat ta cho min. :

y=2x>+3x° “12x+1=>y'= 6x° +6x 12 0:>x—fx=¥2
Nhén thdy ca 1. ndm ‘trong doan yéu cau, x=-2 khéng nam trén doan yeu cau ta sé lam
nhu sau: :

16



e W

khangvietbook.com.vn BT; {028) 39103821- 0903906848

| vINRcm. smespEy

e Gasctate

x3+3x2-12x+u

Sau dé bém CALC vt cac gia tri x=1,x =-1,x=5 ta quan sat.

Vlﬂl‘lcﬁb STOEN FLIS U ) . . WINRONR- S70ES PLUS T ) VIN“C’R— STeLY PLUS I -
2x3+3x2 12><+1mf Co 2x3+3x2—12x+1' ' 2x3+3x2—12x+1
. 14 - . 268
CALCX=-1 . CALCX=1 _ CALCX=5

‘Viy GTLN 12 266, GTNN la -6.

Cau 11: Tim gid trj 1on nhét va nho nhat ctia ham s6:y = 3x _31 trén [0; 2] 1&
. . . X —
i An;lai ——-2~ B'maxy——l C. —5. D.miny=-3 7
T2’ 3 Tle2]” 3 {“'ﬁ ‘figy=-3
_ Giai:
Stt dung Casio d& biét ring ham s6 ludn giam.
Ding chire ning Table d€ tim max va min.
. el
Nhap ham F{x) = 3
Sau do ta cho start O end 2, step 0 2. Quan sat thao tac nhu' Sat:
é ﬁ" nn.?aga g xn.‘ :E.(;%E IE' HI.E :gf&ig
3 u.u -l':.u'ts e ! il | ~3- 558 z

Quan sht bang ta thay rang ham 50 luon gxam gla tn, Va cao nhat Ia 1/3 thap rhét1a -5.
: Vay GTLN 13 1/3, GTNN I -5.

BAITOANDON DIEU COTHAM SOM

Véi nhitng bai todn c6 tham s'm, cdc em cin phéi c6 ki thudt gidi bat phuong trink, xét dau cua
tam thitc bic 2. Sau diy lad mt s6'cong thirc ciin thiét dé gitip cdc em hoc chiong nay:

* Nhdc lai: Cho f(x)=ad +bx+c(a=0)

a>g | a<<0
Flx )>0Vx¢>[A 5 f(x)SO,Vx[ASO

17
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Chinh phuc dién 8, 9, 10 bal tip tracnghxf;m Gidi tich

Ciie cong thitc duéi diy danh cho bai todn tim m 48 ham s& don d‘zeu trén mt khoang

ndo do bit kij:
»Phwong trinh f(x) a’ +bx+ec=0 coanhzem x<a<xzkhi a.f(o)<0
> Phueong trinhf_( ) a’+ bx—f—c-"() coanhtem X< <P <xzkhi {af(a)<0
- ‘ af(B)<0
|af(a)>0
» Phirong trink f (x) =’ + bx+c 0 ¢6 2 nghigm xi<x2<0khiyA> 0
: : S
—<o
2
: ‘ af(cc)>0
PPhuwong trink f(x ) =ad + br+e=0 6 2 nghigm a<xi<x: khi{A>0
- S .
—>a
2 .
[a.f(a)>0
A>0

>Phuong trink f(x)=ad’ + bx+c¢=0 c52 nghiém o << x< khi{S > o,
o | 2

18
=<
2<P

(3 Bai tdp 4p dung:

xs L 3 2 _— e X+
Bai 22, Gid trinao cia m thi ham sé y =

7 nghich bién trén timg khoang xéc dinh 1a:

% —
Am<=2 =~ Bm<=2  Cm>2 . Dmz-=2

' e e S x4+ m
Bai 23. X4c dinh m dé& ham s§ sau dbrig bién trong khodng (0; +eo): ¥y = ———
~ : : Cox? 41

Am<-1 ~ _ Bms0 C.m>0 '~ D.mz-1

Bai 24. Tim m d& ham s@y=x>—3mx’+ (m +2)x ~mlubn dong blen trén tap xac dmh

A-lsm<l B l<ms< C.Tzsmsz © D.-1<m<2

_ 32 .
Bai 25. Tim m d€ hém 55y =?4—%{—'—2x+llu6n dong bign trén TXD L:

AKhongtontalglatncuamcanhm ' B.-12m<2
C.2sm<l1 7 D.0<m=1

13
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~ Bai 35. Tim t8t ca cac gid tri. ctia tham s8 m d& ham s6
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ludn d‘éng bién trén timg khoang x4c dinh La:

T
Bai 26. Timm dé ham by = rrm

CAm<l Bm20 - Cm<0 - D.mzl
'Ba.l 27. Timmde ham so y—m ludn ddng bién trén timg khoang xéc dinh la:
. x+m -
) A.lm|>2 S B._lm|.$] ' Clrjs2  ° Dlm[>1
- "" . . -13. . - .

- . Bai 28}_an1' m déhim s5: ¥ = x? +(m+ D —(m+1)x+1 déng bién trén khodng (1; +e0) Ia:

Am22  °  Bm2-1 Cmz-2 . Dm2-3
© Bai 29. Tim m.d€ ham s8 y =5 — X2+ Dl +(12m-+ 5)x + 2 dbng bign trén khoang (2; +o) Li:
S 5 3 3
m S : Bom>—. Cm<—. . D.m>—.
- A-m 127 : ”f 12" AT ST
Béﬁ30. Tim m d& ham s8: y:mxr (m = £2) déng bién trén khoang (1; +) la:
: ) T +m '
Am>2 B.m22 : Cm<2 D. Khong cé m thdéa man

dong bién trén khoang (-1; +w0) la:

Am<—2 -  Bm<3 Cms- D.m<-4

Bai 32. Tim m d€ ham s6:y = £(x) =—§x3 +(m—1)x" +(m+3)x—10 day ddng bith trén

(0;3)1a:

A}ypg Bm<lg C.meR \ D.m:»E
T 7 2

. Bai 33 '_Hémrsé': y=x'—3x +mx -_I-I ludn ddng bién trén R khi:

Am>3 - Bm<3’ C.m<3 . D.m>3

- Bai 34 Tim tat ca cac'gia tri cita tham 58 m sao cho ham s& y= x+m(smx+cosx) doéng

. bién trén ]R

"

) C.—?_,<-m«<L o o D.me|—w

V2

]”L/lz’ =)

P-1)x* - 2mat dong bién

»«sl

trén khoang (L+e0).

1+J§
5

A.ms-=1 . B.m=—1hoécm>

1.—!-\/5
5

C.m<-Thoic m=

D.m<—-lhodc m>1.

15
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" Chinh phyc diém 8, 9, 10 bai t3p tric nghi¢m Gii tich

-X

=3 nghich bién trén -
m

Ciau 36. Tim 4t ca cac gia tri ctra tham s& thye m dé ham s8 y= =

— .(-—1;1) :
1 1

Am<— ‘B.£<Vm'<3 Cm<—~ D.m=3
-3 . 3 3 '

Bai 37. Tim tat ca cac gia tri thyec ctia tham s8 m sao cho him s8
" y=2x"-3(2m+1)x* + 6m(m+1)x +1d5ng bién trén khoang (2;+w):
Am<l ‘B.m<l - Cm<2 D.m>1

Bai 38. Tim t4t ¢a cc gid tri ciia tham s6 m A€ ham s8 f(x)-——-\/x2 +4mx +4m’ +3 nghich
bién trén khoang (~0;2)
Ams-1 - B.m>-l Cm<2 D.m>2
Bai 39. Tim t4t ca cdc gia trj cha m d€ ham s6: y=2x"+3{m—1)x* +6(m-2)x+3 nghich
bign trén khoang c6 d6 dailénhon3 ,
A m<0Ohodgcm>6 B.m>6 C.m<0 - D.m=9
Bai 40. Biét ring tip hop tit ca cic gid tr] thire clia tharm s8 m &8 ham s& _
y:%—x3 —-{m~1)x* ~(m-3)x+2017m ddng bign trén cic khoang (—3;—1) va (0;3) la
doan T-—-[a_;b]. Tinh a® +b?. _
A.a’+b’=10. B.a2.+b2_='1__3. " Calrb?=s. D.a’+b’ =S5,

2
" —4
Bai 41. Ham 56 y=x ul
X

+m
A.me(—%ﬂ]\{l} B.me(-L2]\{1} C.me(—l;é—) | D.me[j-h%]

Bai 42. Tim tdp hop tit ca cac gia trj thyc ciia tham 56 m d€ ham s§ y=mc+(m+1)Vx—~2+1
nghich bién trén D =[2;+w). ' ' '
Am20 ~ Bm<-1 Cm<-1 D.-2<m<1

dbng bién trén [1;+e0) thi gid trj ctta m La:

Bai 43. Tim tap céc gid trj thuc cia tham s6 m d€ham s y =In(3x ~1) f'2+ 2 dbng bién
X .

trén théng [%ﬁco) o - B :
A.[—Z;MJ - B.[é-l—;m) ' C.li—i;#o)
K I 3 ' 3
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LST GIAX CHYTIET
. Bai22.ChonC.
- - Tapxacdinh: D'—R\{z};
) 2 =2-m .
" . Daoham: y'=
e

- Yéupau _bm-toan tacé 2-m< 0 m>-2 N
Bai 23. Chon B.
- TX:D=R. . :

Mxtl - (x +m) o
1 2~/x 1-mx

TR

- Ham s dong bién trong (0; +e=)y’ > 0 moi x  (0; +9).

S—mx + 120 moi x e(0; +ea). (1) -
em =0 (1) déng :
sm>0: ~mx + 120 & x < 1/m. Viy (1) khoéng thoa man.
em< 0 —-mx + 120 e x 2 1/m. Khi d6 (1) ©1/m <0 St/m.
Gia tri cAn'tim la: m<0.

Bii 24. Chon B. '

- TXP:D=R.

- Tacéd: y'=3x"—6mx+m+2

- D&ham s8 di cho luén ddng bidn trén TXD thi:

. 30 : -
y20,xeR=> ) 2 S—=<m=zl.
A'y.=9m -Im-6<0" 3
Bii 25, Chon A.
- TXD:D=R.

- Tacéd: y'=x’—mx—2
- D&ham s6 da cho ludn dbng bién trén TXD thi:
1>0

>OIER:>{ : = Khéng ton tai gia tri cia m can im.

A =m"+8<0
~ Bii26.Chen C.

- TXD:D=R\{m}.

- Tach y'=
(xf’")z
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Chinh phyc diém 8, 9, 10 bai t3p tric nghiém Gidi tich
- D& hami 8 di cho ludn dbng bién tréni't-;_‘fﬁékﬁoéﬁg xac dinh thi:
—2m '

y>0,xeR= >0m<0. -

7 ,(x -m )2
'B3i 27. Chon A.

- TXP:D =R\{—m} .

m* —4

; Taco: y'=
: (x+m)2

- D&ham s§ d3 cho ludn dong bién trén tlmg khoang xac dinh thi:

>0, reR= mz_t ?0<:>’mI>2.

(x-i'—m)

Bai 28. Chon C.

- TXD:D=R.

- Tacd: y‘=x2.+2(m+])x—(m+])'

- D&ham s8 da cho ddng bién trén khoang (1 +<o) thi:

y'= O,Vxet};m):b_xz +2(m+l)x—_(m+l)2 0,Vxe (1;+oo)'

2 .
= el 0
| 2 Xétham s& f(ﬂ:%’%ﬂ,tr@n [l;+cx.)), ta.cc'): f(x)= 2x(1 Iz) SO,xe[];-hoo).

.

2,_?_7“1)_
—2.

1

- Viyham s§ f-(x) nghich bién trén [1;+w). Do a_éf f]fﬂf‘:) f.(x) =f(1)

- Tl‘r_ (*) tasuy rj':i: mz_ﬁf;;f(x')@mz.—l

Bai 29. Chon A.

- TXD:D=R.

- Tacs: y'=3x2—6(2m+1)x+12m+5

- D&ham s di cho ddng bién trén khoang (2; +) thi: ‘
y'ZO,VxE(2;+w)£>3x2-6(2m+1)x+12m+520,Vxe(2;+oo) B

3x% —6x+5 |

=ms I2(x—1)

ve(mm) ()

Lrén [2;+oo),‘ta <o f(x) =Ef—(~f:—?—)—:—5 SO; x e [2; +oo)

- ='-3;x2 —76x+5
- 12(x-1) 12(x=1)" . .

- Xéthamsé: f(x)

22
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- Viyhams§ f(x) dbgg-bi'é’n trén | 2;+0). Do,a&[g}l;g) flx)=r(2)= % -

- Til; (*) fa suy ra: m < min f(x) oms—.
()

Bai 30. Chon A. _

- TXP:D= R\{—m}_

s
. —4
- Tacé y'=m—2

(x+m)

- - D&ham s8 &4 cho ddng bién trén khoang (1; +), thi:

>0 - 2 m>2
y m-—4>0
et Sdétme2om>2

—mﬁ(l,-l—oo) -m=<1 >l

Bai 31. Chon C.
- TXD:D= R\{m}.

- Tacé: y'= 5
- (xom)
s e o a . . y>0 2m>0
- D#&ham s8 da cho dong bién trén khoang (—1; +o0), thi:4. o e>m<—1.
: : 'mE(“I;"*OO) m<-1
Bai 32. ChonA.
y'==x*+2(m-1)x+m+3 .
Nhic lai xét ddu ctia tam thitc bac 2 ta ¢d @ f(x) =ax2 +bx + ¢

Né&u a> 0 thi f(x) dwong khi x1 < x < xa. 9] day ta mudn khoang (0;3) thudc tip nghiém
taphdicox1€0<3<x2 -

: _
_E.f(O)_éO:) .(0)>0 > '(3)>O<:>{m+320 - le—;
y 20vay 2
— — > -
,"%-f(3)50 ‘ Q+6m—-6+m+320 ‘ m2 7
» Cdach khac. : -

Tacé y'=—x"+2(m~1)+m+3 d€ham s& ddng bién trén (0;3) thi y'ZO,Vxe(O;3)
- o 2
' <:>—-x2'+2(m;-—l)x'-|-m+320,Vxe(0;3)@mz%g:f(x),Vxe(O;B) (*)
¥ 7 _ _ X+
De (*) dimg thi m > max f(x) véi x €(0;3) '
' | TP 2x? +x+4
‘Xéthémsé'y=f(x)=w tacd. y' (x u )

Y'=ememe——L 50
2x+1 (2x+1)
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Chinh phyc diém 8, 9, 10 bi t3p tric nghiém Gidi tich
. B 2 . .12 12 . -
Ta cé f(0)=-3;f(3)=7 nén maxf(x)=_—7—:>m2-7—.ChgnA
Bai 33. Chon D. | o '
* Nhic lai: Cho f(x}=ax’ +bx+c(a=0)

a<f
A<0

a

f(¥)>0vx e [Azao ; f(x)go,vx{
- TXD: D=R '

- Daoham: y'=3x" —6x+m

- Ham sy ludn dong bidn trén R & y' > 0,Vx R A’ = 9—3m <O esm > 3

Bai 34. Chon B, '

- Taco: _y=x+~/5.msin(x+-;£)

y'=l+~f§mcos(x+§—J

{mzo .
' l—ﬁmé "'SI+\/§ :
- VxeR:—lScos(x+£);<l<: - Y ”
4 m<0
1—J§m2y'21+\[2_m
- Ham s8 dbng bidn trén R khi va chi khi y'>.0 véi moi x thude R va chi béng 0 tai
' N {mzo ' -

' 1-V2m=0" _

mdt 58 d8m diege diém trén R . Tiec la: = —ls m£~1—.

. m<0 «/5 \/E

1+2m=0

Bai 35. Chqn-C.

- Tacd y'=4(m’ ~1)x’ ~dmx

* V6i m=~1=> y'=4x>0 x>0 nén ham s3 dong bién trén (1;+0).

* Véim =1 _:>_y"=—4i>0s;.:> x<0hénhém s8 khong dong bién trén (1; +e0).

* V6i m=1 d€ham s8 dbng bién trén (I;+90) thi [ (m” =1)3" —m |x 2 0,V & (1 +%0)

. . . L 2__1>0 , 1+‘\/§ .
- Hay (,m’-I)xz2m\1xe(1;+oo)<::<[m2 N 5 .
: - . m—1zm
‘ ] m<-—1
: e 1+45
~ L lmz
.- Kéthoptaco 2
m<-1

24




- khangvietbook.com.vn_DT: (028) 39103821- 0903906848

Bai 36. Chon D.

D3t r=3% do xe(¥1;i)':>le[l;3)klﬁdé y= -3 tacd y'= 3_m2
| ; = )
D& ham s6 nghich bién thi é(l 3J:> ms-;—:ma?). Chon D.
me|—; ‘ -
o 3 mz23 ‘
e Ba13‘7 ChonB
- TXP:. D=R

- Tacd: y'=6x"—6(2m+1)x+6m(m+1)
~+ THL: Ham 58 luén dbng bién trén R 3'>0,¥xe R
o A0 (2m+1) ~dm(m+1) <0< 10 (loai).
+ TH2: Phuong trinh y'=0 ¢6 hai nghiém phén biét x, <x, < 2.
A0 meR
odx+x,~4<0 _ elmed : < me(-ow;1]

X, x, —2(.17' +_x£)+4 >0 m-e (—OO;I]U [2;+00)

Bai38.Chon A. .
- Ham s8 xdc dinh < 4m’ —(4m’ +3) <0< -3 <0 (Luén ding)

Xx+2m’
- Tacd f'(x)= X+
(x) Vi +dmx+4m? +3
: . :” | 7 y<0 x+2m <0
- Ham s& nghich bién trén khoang (-<;2), khi d6 4 xE +Amx 4 3
- . : xe’(—-oo;Z) .
: x&(—e5;2)
X+2m <0 m<-X
Suy ra = 2 >ms-]
' XE(—-OO,Z) ‘e (—00;2)

Bai 39. Chqn A,

- Phuong phap: Dlng bang bién thién (BBT) d& xét sy dong bién va nghich bién cfia hdm
s8 trén cac khoang

=. Cach giai:
y'—6x2+6(m Dx+6(m-2)x
9(m—1) ~36(m-2)=9m’ -54m+81=0
Daubangxayraklum 3
Goi xy,X,12 2'nghiém caa phucmgtnnh y'=0(x, <x,)
=1-

Theo dinh liViet: it ™

XX, =m-2
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- Chinh phyc diém 8, 9, 10 bai tip tric nghiém Gii tich ‘_

Ta c6 BBT.
t —o Xt X2 . 4>
y + 0 B

Vay ham s6 dbng bién trén khoang (x,,x,)= pt y'=0phai cé 2 nghiém phén biét

=>m=#3 )
Goi d9 dai khoang nghich bién clia ham s§1a D
—|x,—x2|<:>(x]—x2) =(1-m)’ 4(m 2)=m’-6m+9

"D>3&D'>9 @m -6m+9>9<m’ - 6m>0@m<0hoacm>6(thoaman)
Bai 40. ChonD 7
- Tacdy =x-—2(m—l)x—(fn—'3).

- Ham 8 ddng bién trén cic khoang (-3;-1) va (0;3) thi y 20 véi Iﬁgi xe(-3-1) va

2
€(0;3). Hay x"-2(m-1)x—(m-3)20 < x* +2x+3 2m(2x+1)®§-§~¥2m vii
‘ ' X+ :
6(0;3) va Mvat’ﬁ >‘<e(—3'—1).
7 2x+1 ) .
: 2 =1 ~
Xet £ (x) = 2t 2x¥3 _2(x I)(”) f(x) 0e| ™ , D vio bing bt
o 2x+] (2x+1) 1x=-2

clia ham s§ £ (x) thi ham s8 ddng b1en trén khoang (0;3) thi m<2, ham s§ dong bién
trén khoang (~3;-1). thi m2 - 1=>a’ +b'—5 -

Bai 41, Chon D. .

N 2 A

. oy=Z 4x c6 tap xdc dinh 14 D= R\{—m} vay'= ﬂ%ﬂ
x+m (x+m)

-m <] . :
X +2mx—4m 2 0,Vx e [I;40) -

D& ham s6 trén d‘éhg bién trén [1;400) thi {

2m(x—2)= -, Vx e [L+0) (1)
Xét x =2 ludn thda bat phuong trinh da cho; sai. -

T+

| Im < —
Xetx;tZ khi dé (1)@

2
,x€[};2)

. 2
2m>—x2-,xe(2 +00)
x

ey
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- Xétham s8 f(x)=— trén [L4e0)\{2} cS f'(x)zi’fh’—“f

. B x=2 (x-2)
: : m>-1
- Lapbangblent}uenva dya theoyeu cauba1 toAn thi {2m<] < -l<m<—

' 2m =~8

Bii 42. Chon B. - o ,
o N&u m=0 thita c6 y(2)<y(3)do 2m+1 .%3m+1+(m+1), trai v6i yéu cau nghich -
bién. Vay loai cac phurong an A va D. i _
* Xét m=-1,tacd y=—x+1 nghichbién trén [2;+)nén m = -1 thda yéu cau, chon B.
Bai 43. ChonC. ' _ :
o3 4‘2;3x2+m(3x—1)
v'3x—,1 x )_(2(3x—1)

. - A 2 _ ' 2
yebt <> y'20; ¥x e[%;ﬂoj om 2%;&/:{ € [%;+oo}:> m 2. max { 3x } (1)

o o 2 - .
- Xétham s8 f(x)= 13X' trén (%HOOJ, cH f'(x):m_(—2)=0®x=§

- Tinh che gia trl f[%}:—i; f(EJ:—i' lim f()_()z—oo suy ra max f(x)=_-"% (2)

2 3 37 x-rsm i
, " 7).
. ; 4 4 s e
- T (1), (2) suy ra m > —5 D me [~§+oo) la gid trj cén tim.
CUCTRI

Dang todn ndy cic em nhé dén 2 quy tdc:
+ Quy tilc 1: Dimg béng biéh thiér, néiy’ qua xo 467 ddi thi tai d6 ham s6'c6 cyec i,
+ Quy tic 2: Ding tink chit dao ham Tin 2: y"'(x0) <0 thz ham s6'dat cvc dai tai x = xo vi y (xo) >0
thi hamst dat ey 64 tai x = x,

0 Bai tip ap dung: .

Bai44: Timm dé y=x 3 3mx® +dm’ b chc difm cye dai, cyc tiéu 6. vé mdt phia d6i véi
dudng thang (d): 3x=2y+8=0la

A me( J {0} B.me(:—.;lj\{O}. C.me(;—4;2)\{0}. . D.me[_?z;ZJ\{O}.
_~Ba145 Tlmtatcacacgxatntlm*ccuathamsomdedotl‘uhamso y=x'—4x +(l m )x+1

«¢6 hai diém cyc trj ndm vé hai phia klidc nhau d6i véi truc tung.
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Chinh phuc di#m 8, 9, 10 bai tip tric nghidm Gidi tich

R 1 m>1 : o
A—<m<— - B. . C.-t<m<l o Da-1gm sl
3 m < -1 5 )
Bai 46: Cho ham s& y=|x|3—mx+5, m la tham s8. Héi ham s8 da cho c6 th& ¢6 nhiéu
nhit bao nhidu diém cyec tri. ‘ l 7
A3 B.1 C.2 D.4
Bai 47: Cho ham sG bac ba y=f (x) c6 do thi nhu hmh vé bén. Tat ca cc gia trj clia

tham s& m d€ ham sG y = ]f (x)+m[ cé ba diém cuct tn la: y i

el
A m<-1hoic m=>3 :__,." \ ;;' 2
B.m<-3 hodc m21} ' ,g,-" \\\/}
C.m=-1hojc m=3 . j .1. S
D.i<m<3 ! L
B4i48: Choham s8 y =x +3(x+m)(mx 1}+m’ +2 thi Yep +¥er bang?
A2045 " B.64 C.50 D.30\2

Bai 49: Cho s ham 58 y =x P L3mx? +3mx +m;m € R. Tim glatn m d& d6 thi ham s§ ¢
hai diém cec tri v hai diém d6 cach déu dudng thing x =2 ‘ '
Am=1 B.m=2 Cmed D.m=0

Bai 50: Cho (Cm) 12 db thi cita ham s8 y =x +3mx+1 v6i m e (—0;0) la tham s& thuc.
Goi d 1a dudmg thzfmg di qua hai diém cyc tri ctia (Cm) Tim s6 cac gia tri ciia m d&
‘dudng thing d cit dudong tron tam I(-1,0), ban kinh R = 3 tai hai diém phan biét A, B
sao cho dién tieh tam giac IAB dat gia trj Ion nhit. :

A.—%. - B.2. : C.3. ' D. 0.

Bii 51: Biét réing dd thi ham s§ y =(3a? —1)x* - (b" +1)x* + 3c’x +4d ¢6 hai didm cyc tri 12

(1-7).(2;-8). Hay x4c dinh téng M=a’+b’ +¢’ +cl2

 A18 B.15 _ C.-18 _ D.8

Bai 52: Cho ham s6. y = x* -3x* (C).Tim m d€ dudng thing di qua 2 diém cyc tri cla dd
thi (C) tao véi dudng thing A:x+my+3=0 mét goc a biét cosa =%. -

A. m¥2vm=—£ B. m=-—2vm=-——2— Cm=2vm=-?- D.m=—2vm=—-
1 11 11 11

Bai 53; Cho ham soy-—x +3mx+1 (1). Tim m d€ d6 thi cha ham s6 (1) cd 2 diém cuc
.tri A, B sao cho tam giac OAB vuong tai O (vcn O I gdctoadd).

i 1 ' 1 1

A. =— - Bum=—2 C.m=-- D.m=—
T "3 , 2 2
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Bai 54: Cho ham 8 y=x"—3x+2.Goi A, Blahai di€m cyc tri ca d thi (C). Tim toa d§
digm M thude (C)'sao cho tam gidc MAB cin tai M. (Biét m c6 toa d nguyén)
AM(G2) . B.M({0-2) CM(G1) D.M(0:-1)

- Bai 55 Cho ham s8.y=x"-3x"—mx+2 6 do thi (Cm). 'I"un cac gi tri ctia m d€ d6 thi

ham 56 (Cm) ¢6 hai diém cyc tri va dudng thang di qua hai difm cyc tri do tao véi hai
© truc toa @d mc_)t tam giac can.
3

A.m;%" A - B.'.-'m=-_—% _ C. mi—g D. ng
Cau 56: Tim gid tri thams3 me R thi d6 thi ciia ham s& y =~x* + 47mx2 —4m ¢ 3 cie tr
143 dinh ctia 1 tam gidc nhén didm 4 [o;‘:—’J Jam tryc tm.
‘A.m=1 | - B.m=2 _ -C.m=3 D.m=4
Bai 57: Choham s8 y =%x4 T(-m+1)x2 +2m+1 (C,), v&im 12 tham s8 thuc.
_ Ch§ I (0,—-%]'1“1111 mdé (C,)cd difm cya dai la A, hai diém cyec tiéu 12 B va Csao cho
tir gidc ABIC 13 hinh thoi. ' |
.A.m=_——12-, . :B.m‘=1 - C.m=— . D.m=-

Bai 58: Cho ham s8 y = ¥ ~3mx?+2 (1), v6i m 14 tham s6 thue.Tim m € R d& d5 thi
“ham s8 (1) ¢6 hai difm cuc tri va dudng thing di qua hai diém cyc tri tao véi truc Ox

AL 2 s 1
mt goc ¢ ma-qp=—f.
: 5

A m=#4 B.m=13 = C om=%2 D. m=%1
. . 2 - . . ) ) . )
Bii 59: Cho ham s§ y="1+ ™Y Gi4 tri m 4@ khoang cach gitta hai didm cyc trj ctia 45
thi ham s trenbang 10 la: _
Am—] S B.m=2 ~ - Cm=3 D.m=4
L3I GIAI CHITIET

Bii 44: Chon B.
- TXD: R.
o o _ 0 -
- Tachy' =37 -6 y'=3x(x—2m) :>y'=0¢:>[x . d€ ham s& co ciee dai, cuc tidu
! ‘ x=2; o e
=22mz0om=0.. :
- Goi A(O 4m )va B(2m;0); it f(xy)=3x- 2y+8 =3 ham 58 da cho c6 cic diém
cye dai, cue tifu & vé mdt phia di voi dudmg tha.ng (d).3x—2y+8—0tku.
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. Chinh phyc diém 8, 9, 10 bai t3p tric nghiém Gidi tich
F(0:4m*).1 (2m;0) ;0@(—8m3'+8)(6m+8)$G<:>(l—m3)(3m+4)'>'0<:>:;£- <m<l.
Két fuin: m e[l;“-;l)\{o}_

Bat 45: Chon B.
-‘.Tacézy'=3x2—8x+(léml)' _
- Db thj ham s6 b hai di€m cuec tri i}ﬁm v@ hai phia khéc nhau d6i véi truc tung

. 1 -; . - re qar . ) 2 m>1
< y'=0c06 hai nghiém trai ddu @qc<0¢:>3(1-—m )<0<:> .
, . _ m<—
'Bai 46;: Chon B. '
., I3x’-mn&ux>0 -
- Tacé: y'= ) )
: -3x"~mnéux<0-

[

V6i m =0 thiy’ d6i déu diing mét Iin qua di#m x = 0, nén ham s8 c6 1 cuc tr.

A [ , A -u . - ~ A . n? m A- . \‘ o . ’
+ Néu m>0 thiy’ d6i dau ding mdt [én qua diém x =, ’3" ,nénham s& ¢6 1 cue tri.

A - * i Al AF I -~ A A ’ - ) _m ' A hY - » 4 -
+ Neéu m <0 thi vy’ ddi dau ding mdt [in qua diém x=—, ’-3— snénham 58 ¢o 1 cuc tri,
Tém lai ham s ¢6 dang mot cuc tri véi moi g1a rictam

- Baid7: Chon A.

- Bo thl ham so y= f(x)+m 13 do thl ham s8 y f(x) tinth tién trén truc O_y mdon v1
- DEdb thi ham 8 y=|f (x)+m| c6 ba didm cyc tri c>y f(x)+m xay ra hai tnrong
hop sau: : ‘ : .

e Nim ph1a trén truc hoanh hoic di€m cyee t1eu thuoc truc Ox va cec dai duong.

» Nim phia duedi truc hoanh hogic didm cuc tiéu thudc truc Ox Va cuc tiu ducmg
-~ Khidé m=>3 hoic m=<— Ilag1at-r1cant1m '

Bai 48: Chon B.

- Phuong-phap: Bai toan ding véi cac glatnmtl'ucung dung vdi.cac gia tri d¥c biét.
Cén tim m sao cho c6 CD va CT thir vao 1a ra dp an.
- Loi giak: y = x* +3mx’ -3(m* <1)x +m’ —3}m.-h_2‘:>y'—;=3x2+6mx+3(m2—1)
L ' ' x=0"
- Chom=1 tl"ﬁsécéngay2nghiémnén:_ m=1 thi:.y'=3x2+6x=0<:>[ 2
: ¥ =—
- Khidé.y=0y= 4—>yCD+yLT-64
Bai 49: Chgn B.
- Taco: y'=3x*—6mx+3m=0<x>—2mx +m = 0
- D1euk1endehamsocoZdlemcuctnIa A=m? m>0 .
K}udogqu A{xy ) B(xz,yz) 1 2 di€m cyc tri cha dot}uham s6.
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X, +%, =2m

- Theo dinh I Viet, ta c6: { Mt khac, d(A;x=2)=d(B;(x=2))

XX, =M

=x2 .
< x, =2)= |x2 2[
¥ +X, =4=2m= 4&m= 2(t/m)
"Bai 50: ChonA. ' .
- Ta cé'y'—(x3+3mﬁc+l')l—3x2+3m:y'=0<:>3x2+3m 0. Suy ra véi m < 0 thi &b

thi ham s8 c6 hai diém Cye tri. Va duéng théng di qua hai diém cuc trf clia 46 thi ham s5

. la(d):2mx—y+1=0,

+

- Dudngthing d lubn di qua diém M(0;1). Ta cb: IM=y2 <R nén M ném trong dudng tron.
Lai 6 Sy =%d(I;AB).AB =dIA(d=d(L;AB))=dyR* ~d* =d9-d* (0<d S IM=+2)

Xét £(d)=dVo—a® véi de[Ol;\/E:I ta duoe {\é;a;if(d)ﬁ(«/i)

| 2m+1[

4m*+1

D4u béng xay ra <:>IM V2=d(hd) =2 \/5<:>(2m—1)2=2(4m2+1)

©4m2+4mif-.1:0<:}m=—l

Bai 51: Chon A.

Phuong phap:

' Thiét 14p hé phuong trinh tim cac gia tri a, b ¢ d
“Diém A(Xy,Y,) B epctm < (%) =0:£(x, =y, )

+

3a’ _1)_(]3.3 +1)+3<:2 +dd=—
3(332 —1)—4(b3 +1)-1—6<:2 +4d=-7

Céch giai: C6 (1;-7),(2:8) thudc db thi ham s8 nén{

(322 =1 +3¢? +4d = —5(* .
o 2b +3c N ( ):521a1—3b3+3c:':9 (1)
24a° —4b’ +6¢2 +4d =4

y'—(9a2—3) 2 (2b3+2)x+3c2

' Cacdlem (1,-7).(2;-8) lacuctncuadothlhamsoneny(l) y(2)=
9a’-2b°+3c* =5 (2)

L
362" —4b> +3¢* =16 (3)
_ A 21a? -3’ +3¢% =9 a’=1
Tix (1), (2) va (3) ta ¢§ he phuong trinh { 9a°-2b’+3c* =5 < b’ =8
' 3622 —4b’ +3c2 =16 |c?=4
- Thé vao (*) taduge d=-3=> M =2 +b*+c* +d* = 1+2? +4+(-3)' =18
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Chinh phuyc diém 8, 9, 10 bai tdp tric nghiém Gidi tich

Bai 52: Chon A. '
- Dudng thing di qua CD, CT14 A, :2x+y =0 :>WPT m{21)

- Puong thang da cho A:x+my+3=0 6 VIPT n (1 m)
Im+2]

cos(m,nz)
m" +1

- Yéu c‘éu béi todn < cds(A;A )

_4
5
-<:>25(m2+4m+4) 516(m +l)<:>11m —20m—-4= O@N

Bai 53: Chon D. :
y'=-3x +3m=—3(x2— ) y'= 0<:>x -m= 0(*)
D5 thi ham s8 (1) ¢6 2 difm cyc tri < PT (%) cc') 2 nghiém phin 5iét<:> m>0(**)
Khi d6 2 diém cuc trj A(~m;1-2m/m), B(Jm;1+2mm)

© AOAB vuéng tai O <:>O—A.aé:0<:>4m3'—|—m-1=0<:>m:;—;-(TM(**))

1
Vay m=—.
ay >

Bai 54: Chon A
- Tac6 phuong trinh dudng trung treec cia ABlad:x -2y +4 0

- Hoanh db giao difm ctia d va (C): 2x’ ~7x=0

{2 ool 56

Bai 55: Chon C.
y'=3x"—6x—m. Ham s8 c6 2 cye trj < y =0 ¢ hat nghlem phén biét -

<:>A' 9+3m>0<::>m>—3

Ta cé: y—--(x l)y 2(3 +2]x+2——:>’£)u0ng thing (A)dl qua hai diém cyec tri
cuadoﬂrucophuongtnnh (A): y——2(3 +1Jx+2—1:—

(A)mOﬁ{A(z&fg)‘ ]} (8)nor- {e[o %ﬂ]}

| m-6 |
!2(m+3)’

Tam gidc OAB cin <> 04 =08 &
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V e -t B X N -a a* ) A - -’ . 3
- D8 chifu vdi digu kién va ton tai tam gidc O4AB=m= -5
Bai 56. Chon B.
- Néu m<0:>y =0 c6 Inghiém, nenhamsocolcuc _
- Néum>0= y'=0 c_o 3 ngh1em phén biét va d6i ddu qua mbi nghiém d6, nén ham
56 c6 3 cue tri. Gid sir: A(0;~4m), B(—2m; 4n’ — 4m),C(V2m; 4ms” — 4m).

Vi tam gidc ABC cin tai A, B va C d8i xttng nhau qua Oy.

AH L BC
BH 1 AC

_Tacé:f-fﬁ:(\/—l o s ) (J_ 4m)

H 1a tryec tim tdm gidc ABC khi { = BH.AC =0 (*)

Khi 46 (9 2m+4m2(—4_mz+4m+%) 0 hay 8m® ~8m’ -—12!-"1—1—0 phuong trinh

1

CC’J: nghiém m = 2 thoa mén m > 0.
Bai 57. Chon C. 7
- Taco:y'=x’—2(m+1x,véimoixeR, -
- (G)co 1 di€ém cuc daiva 2 difm cyc Héu
- ¢>y'=0c6 3 nghiém phan biét < 2(m+1}>0om>-1 (1)
- Khid6 3 nghiém phanbiét chay’ =0lax =0, x=—y2(m+1)vh x=f2(m+1). Dié’m cue dai
clia () Ta A (0; 2m + 1), hai dién cye tiéa 1a B{~2m+ D57 ) va C(J2m+Ds—n?).
- _ Nhan thdy rang Al vudng géc voi BC tai (0;—m2) va H 14 trung diém cia BC. Do dé
ti gidc ABIC 14 hinh thoi khi va chi khi H Ja trung diém cua AL Hay la:
2x, =x,+x, '
{ " —2m2~=2m+l—£<:>m=—1-hoécm— -
2y, = yA +¥, : 2 2 2
1
- Do6i chidu véi dleu klen (1) ta dugc gia tri cua mla m -'-5

Ba1 58. Chon D 7

- Tacd: y'=3x2 —6mx,y'=0<:>[ x=0

CoT T x=2m | |

- -9‘6 thi ham s8 cd hai diém ciec tn < y'=0 ¢62nghiém phén biét <m=0.

- Goi A (0;'2), B(2m;—4m® +2)1a cac diém cye tri cia 46 thi ham s6 (1). Khi d6 duong
 thing qua hai di€m cxc tri ¢d vecto chi phlz(mg 13 AB = (2m;—4m*) v c6 vecto phap
tuyén 1a n = (2m*;1).

- Truc Ox c6 vecto phép tuyén 13 j = (0;1).
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Chinh phyc di&m 8, 9, 10 bai tip tric nghiém Gidi tich

Du(‘mg théng qua hai di€m cyre tri véi truc Ox g6c¢ -Tacé:

Ll
e b g = i~ o

'<:>4m4+!=5¢>m—¢1 (théa man didu kién m = 0)
Vé,iy m=1hodcm=-1. :

Bai 59: Chon D.

-Goi A(x,;—2x,—m), B(x,;~2x, — m)a diém cyc dai va cuc tidu.
B =(x,—x,) +(y,—») =5(x,-x,) = 5[(x, +x,) - 4x,x2}= 5(4+4m)
(véix, +x, =2, xx,=—m) '

AB=10 AB' =100 <> m=4(m>—1I)

TIEM CAN HAM $O

Tim tzem cdn ditng ta tim gidi han limy = oo thix=a I tiém cdn drmg

=

Tim tigm cin ngang ta lim tim gidi han limy = b khi d‘o y bla tiém cin ngang.

=z
Tim tiém cin xién ta lim Bim lam nhe sau:

* Néu 1a ham phin thic bic tit cao hon bic mau:

y= pAC) D y=ax+b+——> h(x) Chia biéu thike tir cho méu sb, néu h(x) la hing s6’ hodc
- &® g(x)
h(x) ¢6 bic < g(x) thi y = ax + b 1a mGt tiém cin xién. ' S o=

‘s Néuldham dang vé ti:

Ta ¢é: @ =lim X222 PACN : - -llm(\,if(x) ax)

= x

Khi duea x vag trong ciin chifn ta phéi chil y dén gid tri x, dwdng hay dm d€ trinh sai lim.

O Bai tﬁp dp dung
Bai 1: Tp hop céc gié tri clia m d&'db thi cita ham s§ y'=

——— 2x 1 cd
(mx —2x+1)(4x2+4m+1)'

diing mdt dudng tiém can [a

A=) ufOfu(ie) B.{0}

- <o n A 7 D. (—o0;—1) (13 +0)
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Vox? +3mx+1

 Bai 2: Tim t4t ¢4 cAc gia tri cia m sao cho dB thi ham s’ y=——— ———cébatigm
. . - X
can.
o 1 - R o 1
o Ald<me— . BlO<msg~— | .. Cm>0 D.mz—

Bai 3: Cho hdm s§ y = BE%(C) . Goi d 13 khoang céch tiz giao difm hai tiém cin ctia dd
, -

* thi (C) d&n mdt ti€p tuyén cita (C). Gid tri 1én nhét d o6 thé dat duoc La:

A.3J§ | B3 - CcA? D.2\/_.

: + p
, Ba1 4: Tim tat Ca Cac gla tri thyre ctia tham s8 m d€ dd thj cia ham s8 y = JﬂH <o,
: mx” +1

~ ding hai duong tiém cin ngang?

'A.m<0',"" ' B. m & {—o0;+0) C Cm>0- D.m<0
- A . N - - x2+x'—2 .
Bai 5: Tim t4t c& cic g1atncua tham s& thue m @€ dothlham s8 y"Tcé hai
. , x*—2x+m

tlemcandu’ng .
Am=lvam=#-8 B.m>-lvam#8  Cm=1vam=-8 D.m<lva m#-8.

B 6: Cho him s§ y=-12-(C): Goi 4 14 khoang cAch tir giao diém ctia hai durdmg tiém

. X
© cén ctia d6 thi (C) d&n mét tiép tuyén cua (C). Gia tri lm nhét mad ¢6 thé dat duwgeld

A.i;t C BJ_ 3 D.V6
1 Ix+x+2

¢6 tim cin ding va tiém cin ngang la
—3x+2 ‘ ) .

A, Tiémcén ditng x =2, x—l'tlemcanngang y=2.

Bai 7: D thi ham s6 £(x) =

B Tiém can ding x = 2 tiém can ngang y=2,
CTlemcandngx 2, x=1;tiémcinngang y=2, y=3.
D. Tiém can dimg x—2 tiém can ngang y =2, y=3.

A a ar 2 )
Bai 8: Choham s8 y = i , difém trén d6 thi cAch d2u hai duong tiém cin ¢¢ hoanh

x—2
db bing?
a2 B2+J_ c2+J_ _ D.2+48

Bai 9: Chohamso y= \/mx +2X —X. Timcac g1amcuamde dOﬂ‘llh&IIISO co du’o*ng
hemcanngang
Am=1. ~  Bme{2-2}. Cme{-1;1}. D,_m>g,
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Chinh phuc digm 8, 9, 10 bai tip tric nghiém Gii tich

-

(a- 2b)x +bx+1

Bai 10: Biét b thi y= c6 durdmg tiém c4n dimg 13 x =1 vA dudmg tiém

x> +x-b"
canngangla y=0.Tinh a+2b _ _
A6 B.7 - C.8 D.10 :
. . ) . ’ . L ) "4 2_ 2
Bai 11: S8 dudng tiém can dimg va tidm cin ngang clia d6 thj y= X 21+3x +2 1a:
. o ' X —x
A2 B3 - G4 D1

Bai 12: Cho ham s8 y =ﬁ(a¢ 0) c6 @b thi (H). Goi 4 1a khoang cich tir giao diém hai
tiém can caa d5 thi (H) dén mét tiép tuyen ctia (H). Gid tri 16n nhét cha d 1a:

Bla oA  pld
A2 - B.la|V2 C.ﬁ B J“

Ba113.Glasudu’0ngﬂ1angd x= aa>0catdot1'uhamso y—2
x—

nitdt, bigt khoang cch tir difm d6 dén tiém cin dlmg ctta d6 tha ham s8 bang 1; ki
hidu (x;:,) 12 toa 46 caa diém d6. Tim yo.

11 tai m(jt diém duy

Ay, =-1 By, =5 C.y, =1  Dy,=2
. AmPaxse1l |
Bi 14. Cho ham s§ y=ﬂTx— Xét céc phat bidu:
T

(1) Neu m#0 thi d6 thi ham s8 cé duy nhat mt tiém cén Ia tiém cdn ngang,
Rv) Néu m =0 thi d6 thi ham s ¢d hai duong tiém can.

(3) Vi moi gxa tri ctia m tl'u d5 thi ham s§ ¢6 it nhat mét duong hem can.

(@) Néu m =0 thi dd thi ham s& 6 khéng c6 tiém cin ndo.

S0 phat biéu dung 1a: _ :
A1 B.2 cs . D.4
Bai 15. Cho ham 8 p = ——>—1____ Xét cdc phét bidu sau: .
x —2mx+1 : ,

(1) Véi m =1 thi d6 thi ham s& ¢ hai dwong tiém can.

(2) Véi m=1 thi d6 thi ham 6 luén ¢ hai tigm cinla nem can ngang
3) Vm m =1 thi d5 thi ham sokhongco témcan.

(@) Véi —1<m<1 thi d6 thj ham s6 c6 hai du'ong tiém can.

S6 phat bigu ding la:

Al B.2 - Cc3 D.4
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L3I GIAI CHI TIET

Bai 1: Chen B.

. Tacé

L 2x -1 1
(—2x+1)(4x? +1) 4x% +1

- Véi in=0 thih‘amsé'.dﬁcho‘cé dang y=

7 s8 c6 mét tigm cinngang y =0 (thoa man) Loai dugc C vaD.
- V&im#0 thi xét phuzong trinh
y P-2x+1=0
(mx” —2x+1)(4x2 +amxt)=0(*) | ) T
‘ 4x* +4mx+1=0
- D& ddthi ham 8 d3 cho ¢ duy nhét mot tiém cén thi phairong troinh (*) v6 nghiém

1-m<0" m>1
K3 - =med
{(2m) —4<0 {-1<m<1

- Két lugn: Cl'uco m=0 thoaman

Ba12 Chan

. Piéu kién cin: Néu db thi ham s8 ¢6 3 tiém cin thi ham s& phai x4c dinh trén mot
khoang v han chita -2 : :

* THL: m=0 loaidod‘éthihémsé’néycl‘ﬁcéZﬁéﬁlcéng'ﬁm' x=-2vay=0
* TH2: D5 thi him s8 cb 3 tiém cén. Neu mx +3mx+1=0 vd nghiém, hoac ¢é hai
" nghiém x;x, (x,+2)(x, +2) 2 0. Tic Ia:

m_>0 , o n>0

£<0 . lom?-am<o0 1
Ax0 N (9m? —4m=0 S0<m=3
{(x,+2)(x?+2)20 {x|x2+2(xl+x2)+420 .

Bai 3: Chon C.

- Giao ciia hai dudng tiém c4n Ia I (-11)

- Giaskt M (xo, yo) ia t1ep diém, phl.rong trmh tiép tuyen tai M la:

F(x-x)+ 222 (4)

1

(0‘”)

'Iq“’éngtécht&Idé’nAlérd=2| (% +1) L ' (2% +1) I o

IJ(xOH) +I| |\/2 (x,+1) l

_ Difu biing xéy ra khi x, =0 hofc x, =-2

Viy gié trj In nh&t ctia dla V2.
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' Chmh phuc dlem 89,10 bal tap trac nghlem Giai uch

Ba14ChonC
: | 1 , ‘ '
* -Vc'ri m<0 thi D=[—-—;—] nén db thi ham s& khéng c6 tiém can ngang, (loai)
Jm ' m L | 4 : gang. (

* Véim=0 thi y=x nénd‘éﬂﬂhﬁmsé’céllﬁémcénngang.

1+ 2
'*,'me>0t}u hm —llm—=—-—-
E—>4a0 I X—»30 J—
m+—
x?
m
va lim ——— -hm x 1
X—p—ots , Xrp—0 - 1 \/E

Suy ra d6 thi harn s8 ¢6 2 tiém cén ngang Vay m>0.
Bai 5: Chqn D.

(x 1)(x+2)

Hamsodacho y=
-2x+m

D5 thi ham 6 ¢4 2 tiém cén dimg khi va chi khi x*—2x+m = 062 ngh1em phan bigt
khaclva -2 :

A'=l-m>0 -Im<l-
m<l
=0 -24m+£0 ©Ssm=#l &4
. m=—8
4+4+m¢0. m+—8 :
Bai 6: ChonD.

Giao ctia hai dudng tiém can la / (2 1).

Gid st M (x,53,) 1a tiép dlem, phuong trinh txep tuyen tai M la:

y= (e xo)+"°“ (a)

(xo 2)

Khodng céich tir[ dén A La d=6l (xo— 2) I (- 2) ]
o e -2y
Dé'{; biing'xéy rakhi x, = Zi\/:’:.. '
 Viy gid trj 16n nhéit ctia dla V6.
Ciu 7: ChonB :

3 —1-x +x+2

Ta cé Himf(x)=lim
' X x—e x> —3x+2

-2:>Bothlham sG c6 tiém canngang y=2.
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R ) = I —1—x+x+2 (8x3+8x2+8x+1)
1IMILX)=11m— =
e wee X7 3% 42 (x—2)(3x2-l—m)
Suy ra d0 thi ham sd ¢6 tifm can ditng x =2.
Bai-8: Chon D. .
- Phirong phap Ta 6 dudng thang y=ax+b Ia tiém can ctia 86 thi ham s6 y = £ (x)

Jim y = (£ () -ex~b) =0

e }im'y=(f(x)—ax—-b)=0
L e s , X +x-2 4
- Loi gidi: Ta ¢ TCP clia haim dd chola x =2 va—;~_2—=x+3+mnensecoTCX
Ia y='x_+3' 7
- Goi difm d6 1a M thi ta cé:
« _x(’;+x0—2+3
d(My=x+3)=d(Mx=2) =2 ][5
y=x+43)= X = =
-y , N7 1
<:>|[_3x°f2+§x°_6{=\/§|x0—2|©(x0—2)2=2J2_+x0=i48+2
Xg— ,
' Béi9:ChonA.

mx® —x* +2x% (-m—l)x2 +2x

- Taco y
' Jmx?+2x+x  mx®+2x +x

:— D% thj ham s8 c6 tiém can ngang khi va chi khi bac ctia tir bé hon ho3c bing bic cua

méu va ton tai limy.

K—pey

m>0
p=—" <m=1.
{m~1=0 )

e

‘Bai 10: Chon C.

- Tathfy:

+ D05 thi ham 8 ¢6 tiém cén ding:

+ x=1=pt X’ +x-b=0 cd nghiém x=1 vi ( —2b}x* +bx+1=0 khéng c6 nghiém
oy { 1+1-b=0 {b— o (a—4)x*+2x+1

x=1l= = .

.Ham s8 cod d =
a—2b-+b+1¢0 awl cocangy XP4x-2

a—4)x>+2x+]
. Hamsocohemcanngangy Oahmy 0®I1m( )x T .
x> xP4x—2

2 1
_ (a—4)+=+—
<:>1im——-—l—"2—x-n().@a—4=0:> a+2b=8
R WAL :
X X
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‘ - Chirih phyc diém 8, 9, 10 bai ta.p tric ngluem Gidi tich

Balll ChonA o
- Tap xac dinh ciila ham 612 D=(—oo;——)u(—~;+oo}\{l} .Khidé.

Véx? -1+3x+2

lim y= lim > - =3 _ ‘
* 4 , XX =8 thi ham s6 ¢4 tiém cinngang y =3
Vax2 ~1+3x2 42 :
hm lim y = lim 3 =3
o X X —-X

xeR\(
X
X

- D‘dthlj(H):y=?-r-,(a¢0) co2tiémcin x=0 va y=0
X .

=x=1=D6thi ham .

N e

» 58 tiém cgn diing 14 s8 nghiém PT x" -x =0

$0 ¢ tiém cin ditng x =1.
Bai 12: Chon B,

- Giao diém 2 tiém canla 0(0.0)
- Goi (A) Ia tlep tuyén ctia (H) tai M(xM, ]GH
Xat
("G
- Ta co.‘ f(x) =

+ Ay = (xmm )
M

M
+ (A):ax—x5y—2ax, =0
2ax,

Suy ra:d[M;(A)]:ﬁ—.

Ta co: M2 \/2|_d.|xu|
~ Dodgé: d[M (A)]=lajv2 -

D#u “=” xay rakhi a’ -—xMc;»xM—J_hoac X, = ~Ja.

Bai 13;: Chon B. _
Khoang cach tir diém Ar;c’)rdé'ﬁ tigm can dimg ctia d6 thi ham s bang Ja-1|=

~1l=1
':>a—2va-0(loai)nén Vo=5 '
Ba114 Chon B, .

- Tachk limy=40=>x= 21aTCDcuadoﬂ’uhamsovo*1 VmeR. Vay(S)dung,(4)sa1

x—»!
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Nmxt+x+1

_ lim y= im ——————=—Vm
- V&imz=0= o \[x_i_i_ ,suyray:i\[n_w 14 TCN nén (1) sai.
lim y = lim ———— tx+l =Jm

|- x— X .

C Vi m=0= y=YEH

= =>'limy=0=>y=0 1a TCN nén (2} ding.

Bai 15: Chon C.

-1
Vot m=1= y =2 —=Dj thi ham s8 khdng cd tiém cén, véy (1) sai, (3) dung

Ix— =1

-V6i m#1=> lim y=1, lim y=—1 nén (2) ding.
- X—pe0 X—r— .

Vi —l<m<1 i ¥ —2mx+1=0 vb nghiém, viy (4) dtng.

| GL& TRI 1,6N NHf\T, Nﬂé NHAT

Khi gidi mt bat todn tim gm. tri 16n nhit, nho nkat cita mot him s& cdc em ciin tién
hank cicbubc sau: 7 S

1. Tirm diéu kién cita ham s§'( né’u bﬁi todn cho ciin thikc, phin s).

2. Tinh dao hém, tim nghiém clia y’ = 0. _

3. VE bang biéh thién, nhé gach b6 nhitng phiin khéng nim trong viing bii todn yéu ciu.

* 4, So sdnh dic gid tri cha diém cyc tri v6i cdc gid tri bién cia himn 56 voi két ludn.

0 Bai thp dp dung :
Biil-Chocécsc‘a’thirc-dixohg‘x‘yﬂ\éaménz x2(2y+2y\/4y2+1)=x+ x +1
'I“m1g1atr1rd10nhatcuableuth1.rc T=x"-16xy+4

NEE 32J_ g l-22 30— J_ b, 3-643
o : ! _— 7
Bai 2: Cho céc s8 thire x,y thoéa méin 3'2x5—5\}y—2=y(y.—4),/y—-2—2x. Tim gié tri

nho nhét ctia bidu thire T =4x" +

y-2
A4 . 7 B3 c.1 D.10
Bai 3: Cho x, y 12 cdc $8 thyc thda méan: x2+—%=(y+2),/(x+l)(y+l).Tim gid tri nho
- _ |

nhit-cta biéu thic T=y - %x

a1



Chinh phyc diém 8,9, 10 bai tap tric nghiém Giai tich '

2J5+-5 L 2J§+5 J_ 5 b V2+5
- D=
Ba1 4 Cho x,ye[l 2] thoa man: 2x° —4x? +3x-1=2x"(2- y)\f3~2y. Tim gia tri nho
~ nhiét ctia bidu thie T = x+y _
al  B.I c2 . p3
2 2 ’ 2
Bai 5: Cho x>0,y <0 théa man: 9vi+x +xpy9+»* = 0. Tim gi4 tri nhé nhét cta bifu
 thiee T=-x*y* -3y
A4 B.1 - C 12 D.5
Bai 6: Cho x, ylacacsothucﬂ\oaman 8v2x— 1(2x V2x—1)= y(y* -2y +4). Tim gi4 tri

nho nhét cha bidu thite T=x?y -y +1

A 742613 972613 o 7+26V13 o 97—26\/1_3
9 9 27 T
. Bl 7: Gi4 tri nhé nhat ctia ham s&: y = ¥x + {64 —x 1a:
APB+YeT B.1+4/65 C.2 'D.2¢32
Bai 8: Vi ab> 0 théa man ab+a+b=1 thi gid tri nho nhét cia P=a* + b* bing?
a(vz+1) B.2(v2-1) c.{v2+1) D.2(v2 +1)

. [ ' | ’
Bai 9: Cho cac s thye a,b,c e [5;1} - Tim gia tri 16n nhit cda biéu thikc:

| o (2-D)(b=c)(c-a)
: abe ,
3+2J_ . 3-242
: 7

A, MaxP— B.MaxP =2 . C. MaxP= D MaxP =0

‘ Bai 10: Cho ham s8 bic ba y= f(x) x* -3x? —3x+4 Goi m 1A s8 nghlem thuee ctia
phuong trinh JE( f(x—2)— '=3—f‘(x).Khangdmlmaosaudayla khing dinh ding?

Am=7 - Bm=4 C.m=6 . D. m=9
Bai 11: Cho ham s8 y = f(x) ¢6 db thi trén doan [-2;4] :
nhu hinh vé bén. Tinh max If(x)l - //\ LA
© b . i
A2 B.|f (0)]. et :
-2 .10
C.3. D. 1. Hinh a
Bai 12: Cho ham s& f (x) J_ Tim t4t ca céc gia trj cta tham s8 thirc m d€ ham s6
x°+1
datg1a_tq10r;nhat_ta1diEm x=1. :
Am=2 Bm=1 - = CKhongcégidtrim D.m=-3
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Bai 13: Chio x, 14 céc s8 thuc duong théa man Inx+lny 2 Ia(x* +y). Tinh gid trj nho
nhitcia P=x+y - . ) . - '
AP=6 C B.P=3+242 C.P=2+32 D.P=\17+3
B 14 Cho'ede 56 thigex, y thoa man x+y =2(Jx=3+ [y +3). Gid trj rhé nhét cta bil
thite P=4{x+y7)+1 Sxy I |
A.MinP =83 B.MinP=-63 . C.MinP=-80 D. MinP = -91
Bii 15: Cho ham 6 f(x) xac ‘dinh trén doan [-1; 2] théa man £(0)=1va £*(x)f(x) =1+2x43%.
Gla tri nho nhat va g1a tri lcm nhét cita ham s8 f(x) tren doan [ 1; 2] la: -

__A Mm f(x) - 32, maxf(x) a0 | B.xlzfl_llglf( )—J—_Z,rxzz%:lag]f(x)=%/;i—0
C. Min f(x) 2 rnax f(x) J_ “D. Min f(x)=§/§, rn_a;( f(x):i/éﬁ

xef-1:2] xe[~1;2]

Bai 16 Cho cée 86 thigc x, v thoa man x* +2xy+3y =4 Gja tri 16n nhit cha bigu thiec

P (x y) la 7 ) ) .
'A-MaxP=8 .' - B.MaxP=12 - C.MaxP=16 - D.MaxP =4
Bai 17: Cho hai s8 thuc dirong x, y thay ddi thoa min hé fhirc 3+1n";3“rl Oxy—3x—3y.
Tim gié trj nhé nhét m cia biéu thitc P =xy.
- A.'m:l S B.m§1 - C.m:l D.m=0
3 o o 2
LS GIAI CHI TIET
'Bauz Chon A.

- Tuphuongmnhtaco 2y+2y\/4y + ~—+n,-}m—+1 (I)Xethamso f() t+eE 4]

i 2

6 f(t) =1+t +1+\/:?>Qnenhamsodongb1en

vay'(x)@f(zy)=~f@© 2=1.

'_- Xethamsof —t+1‘t+1 cd f{t)=1+t"+1+
0 (=1

>0 nén ham s8 dong bién.

vay (])@f(Zy)=f[fi—)<:>2y=%.
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Chinh phyc diém 8, 9, 10 bai tap tric nghiém Giai tich.

, T=x3_8x+4=f(x):>f'(x)=3x2_sgoix.:%-q.:’mmf(x):36-;)2\/6,-

Bai 2 Chon B, ’
- Datdidukién y>2

+ (1)@(2x)5+2x-—;(y2 ~ay)y-2+5y-2 @(2x)s+2x=(‘/y—w2)s +Jy=2(3)
Xét ham s& f(t)=ts+t,f'(t)=5!'f’+1>0,VxER , suy ra ham s& £(f) lién tuc trén R.
Tiz (3) ta o6: f(zx)=f(,/y—2)o2x=,/y—2.Thay 25 = Jy=2 (x> 0) vio dwoc:

T=4x2+~%-,=4x2+i+ 1 >33‘}4 2 1 =3
2x 2x 2x 2x 2x -

Bai 3: Chon A,
x>-1
y=-1.

£l)=¢ +:(1)@" + *"—(y+z),/ x+1)(y+l S :l’;(\’/‘i) (y+2)fy+1
Q(\/xxHJer' . =(‘/m)3+ y+1.

- Diéu kién: {

Vx+1 7 , 7
- XéthamsS f(r)=r +1 rénRc6 f'(1)=31 +1> 0V R suy ra £(t) dong bién trén R.

) ’ . *—x-1
o a x . X y=— .
Nén f| —— |= ,/ +1 S = Jv+l > 1 . Thay vao (2) ta duoc:
f(m) f(y ) \/m y | x>0x+ hay 2 o]
T=2 "1 1_1x flx)= £ (x)= 0<:>x-s/_ 1:>mmf() 2‘/— >
. X+
* Bai 4: Chon D.
Phuirong trinh: 2x° ~4x% +3x~1=2x*(2-y)\3=2y (1)
, : 3 :
<
- Pieukien: {0 <Y =7
} x>0

- Ta thayx Okhongphalla nghidém cuaPT chia ca hai v&€ cua (1) chox ta duqc _
_"(1)@2—if%——_2(2 YW3-2y
Sx o x
3 .
@(I——l-]_+(1-—)=(3—2y)\l3—2y+\/3—2y(*)
o x x)

- Xétham f(f)=£ +¢ luén ddng bién trénk
' . _
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, 1V ' 1Y

) (1——} =32y 3—-[1—;]

(*)@1——_ 2y '1" ==y
x .

?T=x++5~foe[1;2]:minf(x):f(l):_z

Bai5: Chon B.

9J1+x+xy 9+ -_041»(\?;),‘94-[«3—) =(-yWo+ (-’ )

94277

_Xethamsof(t)—t\/9+t f(t)'-\/__. >0
9412

(3 _ 3 0
(3)¢>f($)—f(—Y)<?7—;—_ch%x—-J}—z
:>T="—”—§—i-3y z_'ﬁﬁnf(y)gf(—a)ﬂz

: B'éiﬁ: Chon D. -

xz-l—

Piéu kign: .

(y+D(y+2x3z0

Tz pt= De phuongmnhconghlem&u y>0

Pt(1)<:>(2«f2x ) 2(2v/2x - ) +4(242x- ) ¥ -2y +4y (*)

Xét ham s8 f{1)= P44 (200 f)=3 -4 +4= 287 +(t— 2) >0 Vt>0 nén

£(t) ludn dong bién '

] Tl‘xp't(*):>7f(2\/2x'-) ) = 2251 y:>x—y;4"

[4\/15—8] 97 - 26J_
3

27

1

-::>T (y;- ) y- y+1:>mmf( )=

Ba.17 ChonC
<8 S +b°

- 'I‘a s& stz dung bét déng thiec phu sau: (a + b) , € tim? ta thay a=b=-1 thi

7—26—64 (MorongvmmnGTLN) conJ£+Jl—)>Ja+ (d& CM)
L Tact Yx+46a—x > Yx+64—x =2
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Chinh phuc diém 8, 9, 10 bai t@p tric ngluem Giai tich
Bai 8: ChQnC ' :
- Tacl= ab+a+b<—(a+b) +(a+b)¢>(a+b) +4(a+h) 430>a+b2242-2

= 16(a +b")2(a+b)- _—>af +_b“_2%2“'(\/5—1)4 =(J§—-1)‘-

Bai 9: Chon C.

~b}{(b-c){c—a
- XétA—l( )( )( )I.Giésfrazbzcsuyra:_-

abc : _
b 1Y . a a
A=(1 J(]——J(l——) b)(l——Jl(v;OSl——Sl 1<—-<2)

o a b 2b ‘ c c
- KhidéAs(é-—b——I—J B[l 322

2 2b 2 2 2

Bai 10: Chgn C

- Ditt= f(x) 2$uyra f(t) £ -3¢ ~3t+4 vaphuongmnh,/f(f(x) -2=3-1(x)

, 1-t20 12t [t<1 t=t;
& Jf(t)-2=1-te{ , o ' 3 _ap =
- f(t)~2=(1-1) f(t)= 221437 |Pwar? 4120 t=t,
- Xéthams§ f(x)=%’ —3x ~3x+ 4véi xR, ta co:
£'(x)=3x*~6x-3;f' (x)=0<:>x=1ix/—
- - Tinh cac gia trj: o ' .
£(1+4v2).£(1-2), lim n £ (x)= o0, lim £(x) = o
" - Dua vao bing bién thién, ta thay rang: - :
* Pudngthing y=t, +2 citdb thi y = f (x) tai ba diém phan bigt
= phuong trinh f(x) =4, +2 ¢6 ba nghiém phan biét. .
* Duong thing y=1,+2 cit do thi y= f(x) tai ba diém phan biét
=phuong trinh 1 (x)= tz +2 6 ba nghiém phén biét.
Bai 11: Chon C. ‘
- Tathaydotlfuhamso y-]f(x)[nhu'lﬂunha
- Khi dé: r[r_lffltlf(x)l—f(—l)=3.

Bii 12: ChonB. DR T _ Hinha _
- Tap xédc dinh D_:R,y":——ﬂm. Vi ham 56 1ién tuc va c6 dgo ham trén R nién
(x +])\fx +1 .

dé€ ham s8 dat GTLN tai x= ldleuklencanlay(l) 0<::>1 -m=0&m=1.Khi dé ta

lap bang bién thién va ham s§ dat GTLN tai'x =1,
46




khangvietbook.com.vn DT;: (028) 39103821- 0903906848

Bai 13: Chon B.
. Tmbnghqp‘0<x£1 taco Inxs0 dodésuyralnyz In(xz_ +y) {vd I)

+ Xét x>1, tirgia thifttaco Inxy 2 In(xz +y) hay teong duong

'

gty yz
: x=1

2 2
Vay thi x+y.>:x—1.Xét ham s8 f(x)=x+x—1 trén (};+0) ta cé:
x= IS X

oy +2x(x-1)—x3 ()0 x o1t
f.(x)—l PR f(x)=0< liﬁ

1 .
Vi f'(x) dBi ddu tir dm sang dwong khi di qua 1 +'$ nén

min f (x)= f(l+ﬁ] 34242

Bai14: Chon A
- Taco
; x+yz4
x+y= 2(\/ +\/y+) (x+y) —4(x+y)+8«;' \/y+3>4(x+y L«Fy<0

Métkhég,x+y.=2(Jx—3+,/y+3)£2\f2 (x+y) <:>x+y£8:>x+ye[4;8]

Xé bidu thitc P=4(x2 +y2)+1539z=4(x+y)2'+7xyva ditt=x+ye[48]

= P=4F +Txy

Lai c6 {x+3)(y+3)20 @ xy2-3(x+y)-9= P24(x+y)’ ~21(x+y)-63=4£ -2~ 63
Xétham s8 f(r)= 47" =21t 63 trén doan [4;8] suy ra By, = f(7)=-83

. Bai 15: Chon C.

T £2 (x)£'(x) =1+2x+3x* tacd

Ta cé: f'(x)=

[xeT _
3

x+x% + % +¢ (Véi c la hdng s6)

Do f(0)=lnéﬁ c=%. Vay f(x)={[3x3 +3x7 +3x +1véi x e[-12]
Ox* +6x+3

3gﬁ3'x3 +3x2 +3x+1)

> 0,Vx € (=1;2) nén f(x) dong bién trén doan

[-12]

Vay min f(x)=f(-1)= -2, ma £(x) = £ (2) = Y43
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) Ch.mh phuc dlem 8, 9, 10 bai tip tric ngluem Gidi tich
Bal 16: Cht,m C

. 2 T2
_ Ta b — (X Y) o= (t _1)
PR +2xy+3y (t+1)" +2

=y¢>tz(y~1)+2t(y+l)+3y—~1=0

- Dephtro*ngtnnhcongluemtluﬁ\ 20 < -2y +6y>0<:>0<y<3:>P<12 '
Bai 17: Chon B.

- Tir gid thidt, ta 6 3+1n 2 Lt!

=_9xy~3x—3y@3+m(x+y+1)—mxy'=9xy-3x;3y
<::»Ih(x+y+])‘+3(x+y+1)%ln(3xy)+3(3xy)<:>f(x+y+1)=f(3xy) *)
- - Xét ham s8 f(t)=Int+3tvéi t>0, ta ¢6 f'(t)=3+%>0;Vt>0:>f(t')v 13 ham s§
dhngbién.ldﬁdé'(*)<:>);+y+l=3xy<:>3xy—1=x+y ”250 2\/x_y¢::¢3xy—-2\/x—y—l?.0.
AMZoM .

o (Vv -1)( xy+1)2;0<:>\/§21©xy21:>Pmin=1:>m=11

- BIEN LUAN PHUOGNG TRINH €O THAM $Q.
DUA VAO GTLN - NT (GIA TRI LON NHAT NHO NHAT)

O BAI TAP LUYEN

Bai 1: Tim t4t ca céc gid trj thuc cia m A& b4t phuong trinh 3V4~3x" — 2V +47 +4>m <6
. nghiém thyc thuge doan [-1;1].

A-3<m<2 ~ B.ms2 C.m<3-247 D.m<-3
. Bai2: Tap tat ca cdc gid tri ctia m d& phuong tinh ¥x* +1-vx =m ¢ nghiém 1a:
A.(0; 1) - "B.(~o0;0] - C{L+w) - D(0]

Bai 3: Timm d€ phwong trinh: 3v21- dx—x’ =m- —4x+2 cdnghiém..
A.-35<m<l5 - B.-40<ms15 C.-30<m=<15 = D.-20sm<sl5
Bai 4: Tim m d€ b4t phuong trinh 4" -m2™ +1-2m 20 ludn nghiém ding véi mei x
thudc ntra khoang [0; +0) ' : _ 7 :
' A.'mzl | B'.msl o C.mS% | Dm<%

Bai 5: Tim t4t ca gia tri thye cta thamsomdephuongtnnh mN2+tan’ x =m+tanx ¢6 it
nth&t mét ngl‘uem thuc. _
A-l<m<l " B—2<ms<V2 - C-lsm<l D.—~2<m<2
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‘Bai 6: Cho phuong trinh 4+ log - (x? — 2x+3)+ 277" log,(2|x—m|+2) =0 Tim tét cA
: : 2

cac g;'la'i tri thze cia tham s§ m d& phurong trinh trén c6 ddng hai nghiém thyee phan biét "

o me-3 m<l

Am<E L Bmsoi ol 2 D 2

2 2 1 3

m>-— - m>-—

: 2 2
j',Bz‘li 7: T4t ca chc gia tri thyre clia m d€ bat phuong trinh xJx X +12 < m.log, ,— 3.6

) ng}uemla ' : )
Am>2J_ i Bm>2\/— Cm>1210g35 . D.2<m<12log,5

'Bzu 8: Tat ca cac gia tn ctia m d8 phuong trinh e* =m(x+1) ¢é nghiém duy nhat la:
LA m3S ' B.m<Om21  Cm<0m=l D.m<]
‘Bii 9: Tap t8t ca cac gia trj cua m dé phuong trinh
26 Jog, (x? —2x+3) = 4 "llog, (2|x—m|+2) c6 ding ba nghiém phén bigt Ia:

adlg3l o sl L3l C. -1-;1;—3 . p.lLl3l
2720 - 272 272 2772

Ba110 'I"m"lcacglamthuccuathamsomdephuongtrmh\D x+l-x=+m+x—x* cb

hai nghiém phan biét. ,

A;mé[S;?]_ - B.'me[5;6]. C.me(S;?)u{Q. D.mE[S;%?JU{G}.
" Bai 11: Tim tit ca gia tri thye cha tham s§ m d€¢ phuong trinh m+2+tan’x = m+tanx co

it nhdt mt nghiém thuzc. 7 _

A-l<m<l BVi<msVi  Colgmsl D.—/2<m<+2

Ba1 12: Cho cac ham 50 p= f( ) y g(x)va y= fg ; 3 Hé sB géc c4c tiép tuyén cta
+ !
d5 thi cac ham s6 da cho tai difm cé hoanh do x=1 12 bing nhau vi khac 0.Khing
dmh nao duodi day la khéng dinh ding?

ar@)s-2 B <t e r>-t (1)>_%

Bai 13: Cho céc ham s8 y-—;f(x),y:g(x),y-.-—% N&u cic hé s8 gbc clia cac tiép
tuyén cha cac d6 thi cac ham s8 d cho tal difm c6 hoanh dQ x.= 0 bing nhau va khac
Othi : _

. 1 '
ALO)<3 B.f(O)s% : C.f(0)>% | D.f(O)z%
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Chinh phyc diém 18,9,10 b t3p u.-ic ngh.iém Gidi tich

.Ba: 14: Cho ham s6 f(x)}=x-3x* +x+% Phuong trinh JE{() 3—1 c6 bao nhiéu
nghiém thuc phan blet? . ) '
“A.9 nghiém. B.4nghiém.’ 'C.6nghiém. D. 5 nghiém.

- GIAI CHI TIET
Baxl Chogn C.
- Xéthémsé’ f(x)=3\/4-3x2 —2J% +4x2+4,xe[-—1;1]
‘ —6x 357 +8x 9 3x% +8x
f(x) 3. : J.X 2 = = 2 |3 zx
2435 oo raied a3 Joidres
\ .
f(x) 0o 9x . 3x +8); =0

Va-3x? N

x=0
= . -
[—9\/x3 +4x° +4-(3x+8)V4-3x" =0 (¥)
- Do xe[-L1] nén 3x+8>0 nén v& trdi cia (*) am nén phuong trinh (*) v nghlem

- Bangbién thién -

Dira vao bang bién thién ta c6 m<2.
Bai2: Chon D. -
- DPidukién: x=20

- thrcmgtnnhda cho < ! =m

: _ _ (\/x—'f'l‘l'\/—)(mhr)
- Xét ham s8& f(x) =M+\/_ trén [0' +co)

(x)>0Vx>0vaf(x)— <0 Vx>0
2‘/.7: +1

= Ham S f(x) d‘éng bién trén [O+co)
- Tuong ti ham s8 g(x) =yx’+1+x dong bién trén [0;+c0) va g(x)>0, Vi>0
= f(x) g(x) 13 ham s6 dong bién trén [0; +oo)
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= Ham'sS h(x) =

m ngl'uch bién trén [0,+00) va Xlll}lwh(x) ={

iSPhizdhgtr‘mhh(x)cm.cé nghiém khi 0<m<h(0)=1=>me(0;1].

. Bai3: ChonC

Tacotapxacdth [~7'3]":5'x+-7>0/\3 —xZ0
Kmdo W21-dx—x* =m— 4x+2<:>(3\/x+7+ 3= x) =2m+70
Pit f(x) 3\/x+7+ 3- xxe[—7 3]

'VTaduzqc mm f(x)-f(—?)—J_O va max f(x):f(2)=Jl_0

‘Dovay,ycbt @10<2m+70<100®—30<m<15

- -Bai 4 ChonC

| _ ‘Yéuc‘é‘iu_béitdénlé e22m f)=lom<—.

" Bais: ChonB.

: Datt-2' Vi x20 thir>1. Hudobatphuongtnrdidachotromarﬁl
£ +1>-2m(r+1)@»2m<i
. tw_Ll_., :
{t+1 -—12—1
Xethamso f(t)-—+1£>1 Kl'udof(r)_ 2t(e+1) - _t +2t -1 0,21
+1 (£+1) (z+1)
Ta cé bang bién thlen nhur saut:
B t L 4]
yr +
: +ox
NI
1

22

- . Difu kién x;é—;f--t-k:r',kez A N

o - tan x
,Tac,o:m\/2+tan2x=,m+tanx<:>m(\12+tan2xﬂ1)=tanxc>m=

_ V2 +tan® x —1
Datt—tanxte]R Xét b 5 f(r) t—,teR
+2 -1
-Taco f(t)— 240 - va ff)=0e2=y2+7 ot=+/2
\f2+t ( 2+t2—:1) - : -
“Tacé:- Tim f(t)— lim =1 va lim f(f)=~

e 2+2 1 ]

51
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Giai tich

- Bang bién thién: )
t . -Qo ~\/_ J_ 2 +eo
S® + 0 -
, . ~ ;

Drza vao bang bién thién, phirong trinh da cho c6 nghiém thuc khi —J_ 2sms2.
Bai 6; Chon D. . :
4% "og (¥*-2x+3)+27" " log, (2|x—m]+2) =0
5 .

& 2% log, (£ ~2x+3) =27 log, (2| - ””.+ 2)

- log, (x2 - 2x_+ 3) _log, (2|x - ml + 2)

23-(:’-2x+3} o o527k - Xétham s§ f ( ) = '—'VO'I uz2.

' Hams6 f(u) dong bién trén [2;+o)nén
- \ x —4x+i+2m=0(1)
*=2x+3)=f2]x—m|+2) = (x=1) =2|x—m| = .
e R I
Phuong trinh ¢4 cho ¢6 dimg hai nghiém phén biét, -
+ TH1: Phurong trinh (1) c6 hai nghiém phén biét, phuong trinh (2) v6 nghiém, suy ra
Sm<t.
L T } .
+ TH2: Phuong trinh (2) ¢6 hai nghiém phén biét, phuong trinh (1) vé nghiém, suy ra
=m> i | ' | '
2 ; _
+ TH3: Phuirong trinh (1) ¢6 nghiém kép suy ra m= %, phﬁbng trinh (2) x =__‘|_:\/5 . (Loai)

+ TH: Phuonghinh(Z)céhaiﬁg}ﬁém kép suy ra m=1, phuongtﬁrﬁ (1) :x=2i\/§ . (Loai)

+ THS: Phuong trinh (1) va (2) c6 2 nghi¢ém gi6ng nhau cho vé trai 2 phuong trinh bing
nhau => x =m, th& ngugc lai m=1vao ta 3 nghiém {Ioa1) L '

- Suyra m<; hoic m>§- théa méan.

Bii 7: Chon B. _ }
- Ditukign: xe[04] Ta thdy 4- x<d4=5-a2 x>3:>10g5J_3>0

- Kni débit phuong trinh da cho trd thanh m > f(x) = (x\/;+\/x +.12).10g3 (5—\/4—x)("f)
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- Xétham s§ £(x) tacé: £'(x)=
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- 3x 1 '
- Véiu=xvx+Vx+iZou =+ v=log,[5—v4—-x
T 2% +12 g3(- )
v =— |

2J4“§[ J_.——)lnii

'7 - Suy ra f'(x)>0;Vx (G4)= f(x)la ham s6 dong bién trén doan [0 4]
G 5T b3t phuong tinh ") b nghlem S m2 mmf(x) £(0) =243

Ba.l 8: Chon C..

: e
- Tach: m= =f(x).
acdm - (x)

_xe"
(x+1)2

- Dong thot: lim £(x) =+, lim f(x)=—0=> tiém cin ditng: x =-1

——)f'(x)=0®x=OV:>f(0)=l

- Laicd: lim f(x')':+-oo m £(x)=0=> tiém cén ngang y = 0

.88 nghlem cha phucmg trinh ¢* =m(x+1) la s§ dim chung giita dwdng thing y =m

vadotl‘uhamsoy f(x). Duavaobangblent}uenhamsoy f( )m<0vam=11la

gié tri can tim.
Bdi 9: Chon D.

- Ta (_:6: 20V Jog, (x2 - 2x + 3) =4k 1og (2]x—m|+2) (1)

‘2(¥"}Ilog [(x —})2 + 2] 2% jog, (2|x m}+ 2) 2)

- Xetham s0 f(t) 2 dog,(1+2),120.
Vif* (1)> O,Vr 2 (= ham s8 dng bién trén (0;+) _
X' —4x+1+2m=0(3)

'ando (2)®f[(x 1y ] (2|x—m|)<:f>(x—1)2 =2|x—m|<:> Comil=0  (4)

Phu’orng trinh (1) ¢6 ding ba nighiém phén biét néu xay ra cac truong hop sau:
+ PT (3) c6 nghiém kép khac hai nghiém phén biét cia PT(4) =>m =%, thay vao PT
(4) théaman. . ' '
+ PT (4) c6 nghiém kép khéc hai nghiém phan bist cia PT(3)=m =%, £hay vio PT

(3) thoa mén’
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Chinh phuc diém 8, 9,10 bai tip tric nghidém Gidi tich

-

+ PT (4) 6 hai nghiém phan biét va PT (3) c6 hai nghlem phan blet trong dé6 ¢ mdt

nghlem ctia hai PT tring nhau, cho VT ctia 2 phuong trinh bang nhau tim du’(:fc m=1.
Thit lai ta thay diing.
- Bai 10: Chon B,

V2-x+41- x“v‘m+x x* (D)

Digu kién'-1gx<2 _ :
- (De3+N2+x+2=—F+x+m
+ Dét:~x2+x=t;:>te[¥2;%}

(o m=2t+2+3-¢
+ DEf()=2+2+3-1

1-1=2

: 1
't = —1=
) Ji+2 Vi-2
- Bangblentkuen ’
r-—oo ) -1 1 +0
- 4
f{t)

— .

- —xhx= t<:>—x +x =0
+ D& phu’o'ng trinh ¢6 hai nghiém phén biét < A= 1-4t>0t <%
+ Do d6 d€ phuong tnnh c6 hai ngh1em phan biét thl phu:cmg tnnh(*) <6 nghiém
te [—2;1]
YL
Tit bang bién thién=.m € [5;6].
Bai11: Chon B.

. - . ’ i tanx
- Tacd: my2+tan’x =m+tanx o m=—mn—-_
' : 2+4tan’ x ~1

- o o

- bitt=tanxsreR.Xéthims§ f(t})=———.t¢€
Ny _ ) N/

- Tacé:‘f'(t)=0©t=_i,\/§
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Bang bién thién:
t — —\/5 JE-&-OD
7o 0+ 0 -
1 ' ' '
F® | ;[k‘ 7 ; \

Dua vao bang bién thién,-phucmg trinh d cho cd nghiém thuc khi —2 £m <2
Bai 12: ChQnA
F(x)+3 7 W(g(1)+3)-g' [/ (1)+3]
(x)+3 [3(1)+3]2
- 'Ihquiéthiettlrﬁ f'(1)=-_g'(1)=h‘(1),néntt‘rphudngtr‘mhtréntacé:
)= () +5(eW)+0)<s-
Bai 13: Chon B. ' |
s oy (0)-8(0)-7(0)'(0) _ £(0)-/(0)
- Taco: f'(0)= =
S N T FO

- Suy ra phuong trinh tz—t+f(0)=0 6 nghiém 7= g (0).

- Pt h( Y= Khids: A1) =

Hay-A=1'—4f(0)20:>f(0)f:%
Bai 14: Chon D.

/(7 ()
2f(x)-1
S @) =27 1o @] [ ] + £ ()5 =27 ()1

S [£(x)=~3,0598 (1)

&[] -3[r)T] -7 x)+——-0<:> F(x)=0,8745 (2)

£(x)~-0,9343 (3)

- Khéo st ham s& lién tucf ta dugc bang blen thigén nhuw sau:

ARG

X ——+I-—+1+co

- Do fx)=x*-3x +x+% nén phuong trinh =1 twong duong

7@ r 0 - 0 -
159

&) L ~ 059 /
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Chinh phuc diém 8, 9, 10 b&i tip trdc nghidm Gidi tich

BAl TOAN sSUY LUAN TUDO THl

DBAITAPLUYEN ' ‘
Bai 1: Cho ham s& y = :g c6 dd thj nhu hinh vé. Khing dinh nao dudi déy la ding?
11:4 oY= T na ‘
ab <0 _ ad <0 4
A B.
bc<0 jbe>0
cfaa>e p.[a@>0 o
e <0 ' |Be>0 7/ -

B 2: Choham s8 y = “":b ¢6 db thi nhu hinh vé dudi.
i X+

Tinh gia trj chia a+2b+c.

Al ~ B.2

c.o D.3

Bii 3: Cho ham s8 y=ax’+bx’ +¢ ¢6 db thi nhw hinh va.
Ménh dé nao sau day du:ng?
Aa>0b>0,c>0

B.a<0,b>0,c<0 . ) /\/\ X -

C.a<0b>0,c>0 : ' / , \ i
D.a<0,b<0,c>0 ' . .

‘Bii 4: Cho hinh chép y = f{x) 6 db thi y= f'(x} cit truc Oz tai ba diém c6 hoanh 4§
nhit hinh v& bén. Ménh d@ nio duéi day 1a ding; _ \ vi

A 1()> £ (a)> 7 ()

. ' JAYIR
B.f{c)> F(8)> f{a) A a\ of /b x
Cf(a)>f(B)>f{c) o \'/ \
Df(b))f(a):»f(c) : ' :
, TRUONG THPT CHUYEN KHTN - LAN 5
Bii 5: Cho céc s6 thizc a, b, ¢, d théa man O<a<b<c<d T
va ham s& y=f(x).Bi§théﬁs6 y=1'(x) c6 db thi - c.'}‘Q{ S
nhw hinh vé. Goi M va m [in lugt 13 gid & lénnhdt [~ [|{F -
va nhé nhit cita ham s§ y = (x) trén [0;d]. Khing -
dinh nao sau diy la khz"ing dinh dimg?
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A.M£m=f(0)+f(c) B.M+m=f(d)+f(c)

C.M+m=f(b)+f(a) ‘ DM+m—f(0)+f(a)
"Bai 6: Cho biét ham s8 y=ax’+bx* +ex+d. Co dotl‘unhu'hmhve bén.Trong cic khing
. dinh sau, khing dmh nao dang? : : N
- a<f a>0
As , B.4 ,
b* —3ac>0 : b —3ac>0
i a>0 ‘ a<0 ' .
Cs., : D.<_, : / © "
b ~3ac<0 . b* ~3ac <0
Bai 7: Cho ham s§ y = ax*+ bx*+ ex +d (1).
z .| —o0. 0 2 +00
s 0. 0o .-
+OOV \ / 4 \
o . -0 0 7. :
Tinh ténga+b+c+d.

A3 . B2 S o) D.1

Bai 8: Cho ham s y.= sl
o 7 - bx+c
C6 bang bién thién nhw sau:

x| 1 +2
¥ + - +

¥ ) ) +x / |
1/ P
"Cho cac phat biéu: ‘ ’

{1) % thi ham s& c6 tidm can ngang la du'cmg thdng y = 1. Db thi ham s8 ¢ tiém cin
-dingla dudng thang x = 1.

* (2) Ham 58 dong bign trén mbi khoang (—0;1) va (1 +o0).
" (3) Ham s8 khong c6 cyec tri.
(@) Ténga+b+c=0.
"Héi c6 bao nhiéu phat biéu dung.’ :
Al ~ B.2 C3 ' D.4

Bai 9: Cho ham s8 y=Z*2 <6 bang bién thién:
: xX+c
x -0 -[ +
¥ = *
¥
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Gidi tich:

© Cho cic ménh d&;
(1) Héam s8 dong bién tren tu‘ng khoang (—oo; 1) (~1;+00).

(2) Ham s8 khéng ¢6 cuec tri.

Ba=2c=1.
@ Néu y'=—"' - i p=-1.
’ x-1 :
€6 bao nhiéu'ménh dé sai: -
A4 - - B.3 ' c2 D:.1
LOI GIAI CHI TIET
Bai 1: Chon C.

- Nhin vao d6 thi ta thdy tiém cin ngang y = 250. Suy ra 4,ccting d&u (1).
c.
Y VA . _d . A a 5 Y ) .
Tiém cén dimg x=—<0 nénnénd, cclingddu.  (2)
¢ ,
+ DB thi cdt truc hoanh tai dim c6 hoanh &8 duong nén ) suy raa, b tréi ddu. (3)
: , 7 a :

+ Db thi ct truc Oy tai di€m c6 tung @b am nén —3< 0 hay b, d trdi d&u. 4.

T (1) va3tacd b, c trai ddu.

Tix (2) va (1) ta suy raa, d cung dau. -
Bai 2: Chon D. o
- Ham s& ¢6 tidm cin ding x=2 suyra c=-2
- Ham s8 c6 tiém cdn ngang y=-1 suy ra ¢ =~1

—x+b

x-—-2
Do db thi cia ham s qua (3;0) nénsuyra b=3.

Do d6 ham s8 ¢6 dang y =

Vay y= _+23 suy ra a=-1;b=3;c=-2hay a+2b+c=—1+6f2=3.

Bai 3: Chon C. : . -
Ta 6, dd thi 2 diém cuc dai, 1 didm e tidu nén: a<0,b> 0. Ma d6 thi cit Oy phia '
© trén Oxnén ¢ > 0. Viy a<0,6>0,c>0, :
Bai 4: Chon A.
Ta thiy f'(x) c6ba ngh.lem ab,c nén ta chon

-2 b_5 =5:>(3x+2)(2x——1)(2x—5)=0
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- G1a st ham s6 f'(x)- (3x+2)(2x 1)(2x-5)=-12x"+28x* +9x-10 (vi dua vao d6 -

c6 hai nghiém phén biét khi va chi khi A =4b?~12ac> 0> b* ~3ac >0

-8, jf (;;)d;;—f(;:)

"Bai5: Chon A.

*

thlthayrang hmf (x)= —0; hmf {x) =00 thihé s8nhd hon0).

Né&u ham sof(x) dang : ‘
f(x) If dx I(—le +28x F9x 10)&;‘~3x4+%x3+%x2m10x+c_

A2

: Tmh g;atn f(——) f.(l);_f(%]ﬂ ta_dugﬁr f[%)>f(—%)>f(%]:>'f(a)$f(b)

Re Cach khac.
. Goi S,,S I'é‘\nlveotla dlen t1ch g10'1hanbm ham s8 y = f'(x) véitruc hoanh

_ TacoSw—jf x)dx (

1) 7(0)>0=1(0)> 1)

( )~ f(b)>03f( ¢)>7(?)

thvaodoﬂ*utathayS >S == f(b)+ f{a ) fle)y-f)ye fla)> f{e)

- Dodotasuyra f(a)>f( c)> f(b)

TRUONG THPT CHUYEN KHTN - LAN 5

- Duya vao d6 thi h‘aﬁ 55 = bang bién thién
ﬂ{M?ﬁ@%”Wf@n
m = {f(a‘),f(c)} g

Mt khé¢, dua vio d9 thi ham 6, ta thiy rang

J-f (x)dx-:”: -f (x)]dx:ﬂ" —f(x )E

@iy h

j[ f ]dx>jf (x dx<:>f(0) f(a)>f(b) f‘(a)@f( )>f (b}

j[ _f (x)]dx>jf (x)dx@f( J=F(c)> F(d)~£(c) &> F(b) > £(4)
Vé'{ (a )>f(c):>m=f(c)
' f(o)>f(b)>f(a)_:>M=_f(0)

Bai 6: Chon B."
Phuong phap: bé d6 thi ham s3 dbac3 cdhaicyctrithi y'= 0 ¢6 hai nghiém phén bzet

= M+m=£(0}+f(c)

- Cach glaJ.Tudotlutathayhamsoco a>0vaico2cuctisuyra y'= =3ax®+2bx+c=0
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' Chinh phuc diém 8, 9, 10 bii tip tric nghiém Gisi tich
Bai 7: Chon B. |
y'= 3ax?+2bx + ¢
Viham s6 ¢6 cigc tri taix =0 nénc=0
Ham s6 c6 cue tr tai x = 2nén 12a+4b= 0
Thay toa d diém (0; 0) vao, tacoé: d=0 i
Thay toa 40 diém (2;4) vao, ta c6: 8a+ 4b = 4
T d6 ta tim duge a=-1, b= 3:>a+b+c+d=—2
y=—x"+3x’ (1)
Bai 8: Chon C, ] ‘
- Tirbang bién thién ta fim duoc tiém cin dimg x=1=>b=—c
- Tiém-cén ngang' y=1=b=1,dodéc=~1

=— (1)
- Vaytonga+b+c=—2(Dsa1)
Bai 9: Chon D.

(1} Ding: Tir bang bién thién suy ra.

(2) Pling: Ham s§ khong ddi ddu qua bat ky di&m nao.

(3) Sai: Tap xéc dinh ciia ham s& D = R\{ }:>c=—1

Dotfuhamsoconemcanngang y= 2:)5—2:a 2.
¢

@Péng y'= 972 1,

(=1 (x-1)

- KHOANG CACH

Trong b todn lién quan dén khodng cich, dé dai ta thieong siz dung dinh Iy Viet lim cong
cu, phai ndi ring diy la mgt.cong cu cywc manh A€ gidi quyét cc bai todn ham s6.
Ngi dung dinh bj Viet ta khong con xa Iz gi, néit x1, x21 nghiém cia phuwong trinh bic 2 saw:

X + X ——B
1 r I
A

C

XX, =—

Ax* + Bx+C =0khi d6 ta cé:

Dmh I Viet diegc ding khi bai todn c6 lién quan dén cwc tri cia ham bic 3, bic 4, hodc bai
todn tuong giao cia dudng thang v phin thite, him bic 3.

:*Ngodi ra chiing ta cing c6 lic 8ilp cong thikc tinh khodng cdch-tir mgt diém den mot duomg
thing trong gidi tich Oxy I6p 10 nhu sau: - '
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Ax+By+C=0A)ditmM (x,; 3Y,) cdch dwimg thing (A) ) cong thixe:
]A.xa +B.y, + Cl

.01 Bai tAp dp dung -

. Bail Cho ham s6 y-——-—% co dothlla (C)'I“Im tham s m d& dudng thing (d,):y=2x+m cat

@b thi ham s6 (C) tai hai di€m phan blEtA B sao cho khoang cach AB nhd nhit.

A .m=+%1 B.m=1 C.m=- D.m=3x2
Bii 2. Cho ham 58 y=—x" +6x" —9x+1. Tim m & du'émg thing A:y=(m?-9)x+1 ct

(C) tai ba difm A, B, C sao cho Xy <Xy <X.va AC =348

Am=i3\/?_: .‘_B.'m=ﬂ§/§ : C.m=ix/§ - D.m —-i-i

B3i 3. Chohdm s8 y =2x* —3(m+2)x? +12mx +8 (C). Tim gié tri ca m dé’_doth;ham 55
(C) €6 cuc dai, éwe tiu va khoang céch gifra ching bing V2.
A m=3m=1 B.m=3m=-1 . C.m=3m=1  D.m=-3m=-

' . 2x+1

Bai 4. Cho ham s8 7y = _Tim difm M trén (C) d& khoang cach tr M d&n tidm cin

dieng cia dot‘m(C) béng khoang cach tix M dén truc Ox.
C A M(031),M(—4-3) o - B.M(0;-1), M(4 3)
C. M(0;-1),M(~4;-3) - -~ Db M(o-l) M(—4-3)
.. Bai 5. Cho db thi (C) va du’ong thangd Difm M trén (C) sao cho khoang céch tir M dén
dIanhonhatvm (C):y=2x"-3x"+1, & y——I Tung dd cda M la:

A. ﬁ . B. 1 _‘/_ p.L
2 .8 T2 8 7
Bii’6. Cho db thi (C) va dudng thing d. Dim M trén (C) sao cho khoang cachtir M dén d 14
. : 2 ' : )
nho nhat véi(C): y = "_ﬁ“zi; d:y = 3x - 6.Gid tri Khoang céch rho nhat 1a:
x+ ’ '
2 ' 4
A —— =~ . B2 C — D.4
Bii 7. Cho db thi (C) va dudng thang-d. Piém M trén (C) sao cho khoang cach tir M
déndia nhé nhat véi (C)iy:x—’Li; d: 2x+y-3=0. Gia tri l;hoéng cach bé nthat d6 la:
: A _ o :
L4 T ' 4 2
A — B. = G D. —
Jio 5 | NG , Jio
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Chinh phuc diém 8, 9, 10 bai tip tric ngl‘uem Gidi tich

LI GIAI CHI I’lET

Bail. Chon C.
- Phuong trinh hoanh dé giao diém gifta (C) va (d,,): x_+; =2x+m
x= .

x=1
@{g(x) 2x* +(m~ 3)x m-1=0 (*)

- Phuong trinh (%) ¢6 {A(])m ;|-22;7ng7 >0 Vm
=(C)(d,)={4#B}Vm. Goi 4(x,2x,+m)theo dinh li Viet ta cé:
3-m ' '

XX, = —

. 1_3” :>ABZ=(x,—x2)2+(2x,.—2x2)2=5[:(x,+x2)2—f£x,xz]
12 T T T T : : . )

2

1-482=5[(§;—'"J2+4(12mﬂ=5{m +Sim+17} {(mﬂz +16J 2

= 4B225 dun bing xay ra khim =1
Vay khoang céch AB ngén nht bing 245 < m=-1
Bai2. Chon D. . ' ,
- Phuong trinh hoanh 49 giao diém:

x=0

) o —6x+m’ —0(1)
.- Ackt (<) ta13d1em phan b1et thi (1) phai c02ng1'uem phén biét khac 0
=29-m*>0=>-3<m<3,m=0

~x* +6x% —9x +1 =(m-2 —9)x+1 o xl:x2 —6x+m2] =04:{

- Khido (1) c6 hai nghiém phan biet du*o*ng nén x, = 0, x, va x, 12 hainghiém caa (1)
- De AC =348 thi Xc —3"3

| (3
x,,+xC=6:'>{4x,,.=.6 =y 33

- Theo dinh Ii Viet, ta co: , = = :
E =mt 12T o 2

xBx(f.='m2»
- Thﬁlaim:i%_%ﬂldéménﬁ

Bai 3. Chan

- Tact: y —6x —6(m+2)x+]2m G[x —(m+2)x+2m]

- Ham s8 c6 cuic dai, cyc tidu khi phuong trinh y' = 0 d8i d&u qua céc nghiém
© ¥'=0c6 2 nghiém phan bidtes A> 0 (m+2)" ~42m 50 (m-2) >0 m=2
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V 3 2
=m=>y=-m +6m" +8
- Tachk y'=0& ¥Em=y=-m
’ x=2=>y=12m
- Giasix A(m;«m3 +6m’ + 8),3(2;] 2m) lacac didm cye tri ctia ham s4.
2. 2
- Ta c6:AB=+2 & AB* =2 &> (m—2) +(-m’+6m’ —12m+8) =2
l<:>(m—2)2+(m—2)6=2
. I (-1=0e>1=1
- Bitr=(m-2) :>t+t3;2<:>r3+t—2=0<:>(t—1)(t +t+2)<:> X )
- ’ _ 7 +1+2=0 (vd nghitm)

_2-1 -
:‘>(m—2)2=1@[’" @[m >

m—2=-1 m=1
- Vay m=3,m=1 lagia tri can tim.
Bai 4.Chon B.
. ‘ ' 2%, +1
- Goi M(%g3v9), (X #1), yo = ” 0"]
S 0

2%, +11 (%, -1) =[2x,+]]

Tacé: d(M,4,)=d(M,0x) < |5, — Y =y, | & {x, -1 =

Xo—

o
o 4= M(0-1),M(4:3)

- Vi x, Z%I,ta cd: x§—2x0+1=2x0+1<:{
’ . 0

- Véi x, <_?1,ta cé phuong trink: x} —2x,+1=-2x,—-1<> x5 +2=0 (v nghiém).

Vay M(0;-1),M(4;3).
Bai 5. Chon B.
- Goi M (m»;2m4 -3m? +1)e (C). Taco d:+y+1=0 nén:

©

g 2
: , Z(mz—i) +7 7
I2m"—3m'+2l 4) 8| ¢ 7
d(M;d):-" — = i ——.
: J5 J5 5 85
- Déu déng thike xay ra khi m2=%:>yM=—%_
Bai6.Chon C.
‘ T . , 5
- GQiM[m;—_——-—’” +4”;+5J,m;&—2. Pudng thing d: 3x+y+6=0. Ta cé:
m+ |
| m+4x+5 ) 7 1 i
: ———+3m+6 |4 2
d(M;d)=L "2 J (m2)+ s 24
e J10. N TR
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Chinh phyc diém 8, 9, 10 bai tap tric nghiém Gidi tHich

(;):} k242
k<—4J2

- Do ta &p dung phwong trinh k =4(m~1)+ 2

‘ o - " m-
|k[>4J_ cong‘(uem

Chi tig: Dat r=m-1= k= 4t+3<:>4r —kr+2 0=>A= k’ 32>::>—4J5<k<4J_

- Véy dmin = _’

V5
Béi? Chon C. ,
- Gc;u M( +:] m#l. Apdungdleuklenphu’ongtnnh
m-
7 ,2m+2*Li_3 ’ (m- 1)+L]‘ :
dMya)=—2— 1_1 - .m0 %
(:d)="—T N
2 (k>4 '
k=2(m-1 W k|>4
(m )+m—1() _ks-4:>| l

- Dimg kién thire xét d¥u tam thirc bac 2: dit t =m — 1, fim digu kign ctia k d& phurong
trinh: 262 - k.t + 2 =0 cd nghiém = k2> 16,
- Vay gi tri Gin im 13 ——.

NG

'DIEN TICH - TINH CHAT TAM GIAC

Ciing gibng nhw bai todn khodng cdch, bai todn trong tam gidc ta ciing sie dung dinh ly Viet
lam cbng ey gidi fodn.

Trong bai todn tam gidc ta gdp 2 mo hinh:

1. Bai todn lién quan dén dién tich tam gidc.

2. Bai todn lién quan dén tinh chit tam gidc: Vubng, cin, déu.

Dién tich tam gidc ta sit dung S= -;—.h.a

Tam gidc vudng ta si¢ dung tich vé hieong bing 0:-AB L AC <> AB.AC =0

Tam gidc cdn tai A ta sie dung AB = AC hodc stt dung tich vb hiéng:

Al L BC < ALBC =0véi  la trung digm ciia BC.

a\f3

Tam gtac déu tht gza ‘thiét cho s€ zt ha‘n ta s dung ta si dungAH u—-i——va tich b hwang'

Al L BC< ALBC=0 voilla tmng d‘_zem ciia BC (& day a la d6 dai cua canh bén)
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‘OBai tip ap dung
Bai 1. Chohamsé y = x+2 ¢6 db thila (C)
k T ‘ S 2x+1 :
' Goi M 1a mt difm thubc d6 thi va H, K tieong tng 1a hinh chiéu ciia M trén truc Ox
va OyTim toa d6 d1em M sao cho ti glac MHOK <6 dién tich bang 1. Hai o may
diém m théa man:

Al _ o B.2 C.3 " D. 4
. e ) X :
© Bai 2.Cho ham s§ y= il cd @6 thi la (C,,,) Goi I 14 giao diém hai dudng tiém cén
x—m
cta (C,). Tim m d& dudng thang d:y=—-x+ 2 cit (Cin) tai hai di€m phén biét A, B sao
_cho tam gidc IAB d&u.
Am=2 S Bim=-2 Cm=3 Dm=-3

Bai 3. Cho ham s6: y=x* +3x>+1 c6 db thi 1a (C).Viét phreong trinh nep tuy&n cia 4 th1
(C) tai difm A(1;5). Gol B 1a giao didm cta ti€p tuyén véi d6 thi (C)(B #A) .Tinh

dién- t1ch tam giac OAB, véi O 12 gBc toa do.
A3 B8 C.12 ' D. 16

: 1
Bai 4. Cho ham s& y = —é-x ~x" (l) T“lm toa dd difm M thuoc (C) sao cho tidp tuyén cla

.(C) ta1 M tao véi ha1 tryc toa as mot tam gidc can.-

2_+2 2 2

. M(1+\/_—+—) g : M(1+/2; —_+-——)
A . B.
-_@(1;—5) '_ _ : M(l;—g-)
'.M(H«E _Z+£) | - M{-1++2; _3+£)
Ci - | , D.
e - ped

"Tim toa db _&ié’m M thudc (C) sao cho tiép tuyén caa (C) tai M tao vd6i hai truc toa do
mot tam giac can.
(Tiép tuyén cta ( C) tai M tao véi cac truc toa d6 mot tam gidc can = ti¥p tuyén cd hé
58 goc k==£1). -
-2

Ba.15 Chohamso y— "
x—

(1).Tim m d& dudng thing d: y=—x+m ct db thi ham s6 (1)
“tai? dié"m A, B tao thank tam giéc OAB théa man Ol—A-ké =1 véiOl3 gBc toa do.
S Am=—2 " B.m=1 C.m=-1 : D.m=2
Bii 6. Cho hain s8 y=x* —3x* +(m+1)x+1 (C,), (m 12 tham 58 thyc). Tim t4t ca céc gié
‘tri ctia m &€ d6 thi ham s6 (Cm) cit dudng thing (d):y=x+1 tai ba difm phan biét
' 65
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Chinh phyc digm 8, 9, 10 bai t4p tric nghiém Gidi tich

A(0;1), B, C sao cho ban kinh dudng tron ngoai tiép tam giéchC bing J% , v6i 0

12 gdc toa do. -
Am=-Thoic m=—-4 Bm=1hodc m=4
C.m=-1hodc m=4 - _ " Dum= Thodc m=-4

Bai 7. Chohém s y= —2— (C) Tim m d& dudng thing (d) y mx—m+2 cht (C) ta1
x—

hai diém phian biét A, B sao cho dién nch tam gidc OAB bing 4.
m=2+42  B.m=3%4J2 C.m=6+2y2 D. m=6+42
Bai 8. Cho ham 56'.‘y=x.3—(m—l)x2—3x+m+i (<) _ 7
Tim t8t ca cac gié trj ciia m d€ ti€p tuyén clia d6 thi (Cm) tai di€m c6 hoanh d6 bang 1
- tao vdi hai truc toa d6 mét tam gidc c6 dién tich bang 2.
A m=1lvam=3 B.m=-1vam=-3 Cm——lvam 3 D.m=Ivam=-3

LI GIAX CHI TIET

Bai 1. Chon D.
- Goi_M(a; a2
2a+1

- Tach: Sy = MH.MK =1

] 12 mot difm bat ki thudc d5 thi

a+2
- Ma MH = fyul—'ﬁ MK = el =1a]
. 9 _
| [|a+2]= ]a +2a|-1®|a2+'2a|=|2a+.1|<:> a +2a—2a‘+1
12a+1[ |2a+ I a +2a=-2a-1
[a=1=M(L1)
Taoy  fa=-i=M(-s-1)
<:>|:az+4(1+1=0<:> a="2+\/§=>M("2+\/3_"2+\5) :
la=—2- \/_:>M(—2 32— J_)

Vay c6 4 difm M thoa man.
Bai 2. Chon B.

=x+2 0 g) =+ -2x+2m+2=0 (1)

- Phuong trinh hoanh d§ giao diém: 22
' . i X-—-m

voi x#m ,
-y =-x+2c3t(C,) tai hai diém phan biét khi
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e S o 1
.g(x) =0 cé hai nghiém phén bigt Sm<—y
' : o X +x,=2
- Goi x,, x, 1a hai nghiém cua (1), ta cor { S
LT T o xxy=2m+2

| Cée giao diém 13 ACx;—% + 2B, +2) 4B’ =-8(2m+1)

[m=1 ' |
- Tarn giacIABdEukhl . a; d)—ABJg vm H{mm)
- ‘Ta.c‘(’): d(I;d)—I J_ |—\/—‘ —1[ d(] d)———ABJ_ m=-2 théa man diéu kién m<—%

Bal 3 Chon C.

- Tachk y(1)=9=> phu‘O’ng trinh ti&p tuyén cia db thi (C) tai di&m A(l 5} la:
Cy=9xsDHs e y=9x-4(d

l‘-. Toa do (;hem Bla giao cuadva (C) co hoanh d$ langhidém phwong trmh

x +3x 1= 9x—4 <> % £3x° —9x+5 0
%=1 :
L (x- 1) (x+5) = 0<:>[ s
B(-5;—49).
AB=(-6;-54 — AB=6+82; d(0,d) = —.
A= (-6:-34) (0.0)- =
R SN B '
' == AB=—.——.682=12
Seowe 2_d(,o’d.),AB 282
Bii4 ChonB.. " - | y _ )
- Goi %12 hodnh d6 diém M. Yéu ciu bai toan (YCBT) &> y'(x,) = +1
N L =222
2_ =1= =14 1 s
@_[x"’ 2% =1 0@[% 122 373

x§;2x0+1¥0,-7- x =1 M-(l__g)
o 3
B;‘;iS.ChQnD. .
’ - N _x_2 7 x#1
=—x+m< 2 7 ’
-1 x—-mx+m-2=0 (*)

oy Phuong trinh () c6 A= m’ —4m+8$ (0 Vm suy ra (*)c6 hai nghiém phan biét khac 1

v&i moi m. Vay d cét d thi haim s8 (1) tai hai diém phén biét A, B véi moi m.

Goi-A(x3 3, ), B(x;5%,) VOl x,, x, 1a hai nghibm 'ctia (*): y, = —x, +m; y, = —x, +m
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Chinh phuc di&m 8, 9, 10 bai tip trfc nghiém Giéi tich

-

Tacé: Od= \/Zx —2mx, +m —\/2’% 2mxl+2m d+m’ —2m+4 = \/m 2m+4

Tuongtu OB=m —2m+ , '
Tix ! —+— = =1, ta o —-—2———Ic>\/m 2m+ =2om=0vm=2
04 028 C Nm -2m+4
ViO A, Btaothanhtamgxacnenglatnthoamanlam =2
Bai 6. Chon D.

- Phuong trinh cho hoanh d¢ glao diém cia (Cm) va (d)

- X -3x +(’”H)x+]=x+.1<:>[x2—3x+m'l'0 (1)

- bé (Cm) cat (d) tai ba dlem phén biét < phuong trinh (1) ¢6 hai nghiém phaﬂ biét

Khic0 <{"° 4 (*)
"m0

¢

- Giadste B(x;x +1),C(x,;x, +1). Khi d6 x,3x, 12 nghiém cta phuong trinh (1)

- Tacs: OBOC= (22 + 25, +1)(2:2 + 23, +1)

. . . . | X =3x-m
- Vixy; X2 la nghiém ctia phuweong trinh (1) nén:
: x2=3x,-m

= OB.OC = {(8x, +1-2m)(8x, +1~2m-)'= Van? +12m+25

- vﬂlsoﬂc:%d(o;(d)).Bc M n OB.OC =2Rd(0,(d)) (2)
‘ i N : ,
d{0,(d))=— o 3) =
@@)=% | | 3
R . 3 : m=1
- Te@yva@3)tacs: 4m” +12m+25=41 :
: . m=-4
- Tir (") va (™) véim=1holic m=—4 thi YCBT dugc thoa mén.
Bai 7. Chon D. '

- Phuong krinh hoanth 'd$ giao diém cita (C) va (d) 1a:

2x 5 x#1
e +
w1 omEee g(x)=m’ 2mx+m 2= 0(*)

\.

- (d) cdt (C) ta1 ha1 dim phan biét < g(x) 0 céhai nghiém phan b1et khac1

] m#()

= A=m2—m2+2m>0" <m>0
g)=m-2m+m-2=0
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. Goi x, xz 13 hai nghi@m céia phuong trinh (%),

- Khidd A(x;mx ~m +2), B(x,;mx, — m+2)

X +x,=2

- _'Iheod'mh}i‘/iet,_ta cd: m-=2 #}ABZ =(x2—x1)2(1+m2)=%(1+m2)

xlxl = —
: m

Ta cé: d(0, AB) 2
- a co: =
S ) J14m?

i =

o g
- Dodd: Sou =4 7\ (1+ )‘!——4<:>|m 2|= 2\/_m<:>m 6+4J‘

(thoa man diéu kién)
- Vaym=6x42.
Bii 8. ChgnC. :
- V& x=1=y=0= 4(50).Tacd: y'=3x"-2(m-1)x-3
" Phuong trinh tifp tuyén clia d6 thi (Cm) tai Ala y==2(m-1)(x-1)}{4)
- (A )catOxtalA(l 0) va cét Oy tai B(O 2m— 2)(m;t1)

- Dién tich tam giac OAB 1a: Sy = OA OB== |xA| |vs] =|m—1|

- Theo gia thiét: Sy,,, =2<>}m-1|=2 & m=3hodicm=~1 (théa mén)

- Viy gié tri m thoa man dé bai la m=-1vam=3

BAITOAN TONG HOP
CHUYEN DAI HQC SUPHAM LAN1
Bai 1.Tim tit ca gia tri thuc cha tham s6 m sao cho do thi (C):y=x"+3mx’ -n’ cit
dudng thing d:y=m x+2m tai ba d1em phan biét ¢6 hoanh d6 x,x,,x, thda man
- X+ x +x, =83. ) _
Am=-1 B.m=2 - Cm=1 Dm=-Lm=1
Bai 2. Tim i tri céia m A€ ham s F(x) = m +(3m+2) x> —4x+3 12 mdt nguyén ham
ctiaham s f (x)= 3+ +10x-4. |
Am— -1 ' B.m=1] Cm=1 _ D.m=2
Bai 3. Céc gié tri chia tham s6 2 d€ bat phuong frinh P g 300 5 g 39S g nghiém thyee 1a:
Aae(-240) Buae(—3] Caael[4+o) D.a e (—co;—4)

"Bii 4. 8 nghiém ctia phuong trinh 1) _anx tren doan [0;27] Ta:

Al B.2 | C.3 o D.4
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Chinh phuc diém 8,9, 10 bai tip trc ngh'iém Gii tich '

Bai 5. Phtrongf:rmh 20175““ =sinx+v2—cos’x c6 bao nhidu nghlem thuec trong [-57 20177r]?
A . vOnghiém . B.2017 - C2022 © D.2023
Bai 6. Cho hdm s8 y=x'—3x" +3mx+m~1. Biét rang hinh phéng gi6i han boi db thl
ham s6 va truc Ox.c6 dién tich phan nim phia trén tmc Ox va phan ndm dudi true Ox .
" bing nhau. Gia tri ctla m la -
AZ B2 cl . bl
3 5 - 4 : 5
Bai 7 Goi S la tap hop. tdt ¢d cac gia trj thue ciia tham s8 m dé do th1 ham s&
L 2mx+m-=2

y= =7 cit dudng thang d:y=x+3 tai hr;u dxem phan biét A, B sao cho tam
gidc IAB c6 diéﬁ tich b?mg 3,véi I(-1;1) . Tinh tdng t4t ca cic phin tit ctia §
A.% B.—10 . C3 D.5

Bai 8. Cho ham s§ f(x)=x*+ax’ +bx+c. Néu phuong trinh’ F{x) =0 ¢6 3 nghiém -
phan bigt thi phuong trinh 2f (x).f"(x)=[ /*(x) ] c6 bao nhiéu nghiém.
A3 B c2 - D.4
Bai 9. Cho ham s& f(X) =x’+x"~2x+3. Khing dinh nio sau déy 1 dtng?
A Hams8y= f(x 2017} khong cé cyc tri. | _
B. Hai phuong trinhf (x) = mva f(x-1) = m+1c cing s& nghxem véi moi m.
C. Hai phuong trinh f(x}=2017 va f(x~1)= 20176 cing s nghiém.

D. Hai phuong trinh f(x)=mva f(x ~ 1) =m-—1cé cling s ﬁghiém v6i moi m.

Bai 10. Cho ham s& y= 2x +Il €6 db thi (C). Tim cac digm M trén d6 thi (C) sao cho
X+

khoang cach ti hai diém 4(2;:4) va B(-4; ~2) den hep tuyen clra (C) tai M 1a bang
nhau

M(I;%J | ey M(0;1)
A.M(0;1) . o C.M(l;—) - DyM(23)
: M[Z;—J ' : _ [ 3J
3 Mil,=
: o N A
(Giai phuong trinh trén ta ¢6 x, =0,x, = -2, %,=1. Tr dé ta chgn dugc két qﬁé’ chaa .
bai toan) e o
Bai 11. Choham s§ y = f(x) thoaman f(x) f'(x)=3x"+6x*. Biét f(0)=2. Tinh f2(2)
Af(2)=144  B.f2(2)=100 ©  CE(2)=64 - D.f?(2)=8I
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Bai 12. Cho ham s8 y =E_—11(C) Tim gid tri m A8 dudmg thing d:y =x+m ckt (C) tai
: PEER.

hai diém phén biét sao cho tam gidc OAB vudng tai 4hodc B.
Am=1+J5. B.m=11.3. Cm=1%2. D.m=1£6.

LS GIAI CHE TIET

* CHUYEN PAT HOC SU PHAM LAN 1
Bai 1. Chon C.
' |42, =-3m
_ Xét phuong trinh x° +3mx’ —m?x—3m" =0, ta 6 theo dinh X Viet §xx, +x,%, + %% =—m’
' ' ‘ XX%,X, =307
Tacs: 5 +x) +x8 = +xd 4 x2) - 2(xfx +(x3x +2357))
= [(x, +%, +, y =2(xx, + 3%, +Jc3x,7)]2 - 2[(x,x2 +X,%, + X% )2 —2x,%,%,{x, +x, + xj)] =83m’*
Vay He x! +x} +x! =83 suy ra m=+1. Kim tra yéu cau vé s§ nghiém thdy chi c6
m=1 thoa. '
Bai 2. ChonC.
Tir gia thiét, ta cd:
: F'(x)=.f(x) & 3m'x +2(3m+2)x —4=3x"+10x -4 & {3’”2 = em=t
_ 3m+2=5 ‘
'Bai 3. ChonB.
- DPits=sin’x,0<rg1
Khido, BPT < a< z ;3'{ <a S 6r9T3 |

Xét ham 56 y=f(1‘)'=6 T3=[2-J -2-3{1) L0211
. 9 3 9
2Y 2 1Y, 1 e
Tachd: f'(t)= 3 .]n§+3. S ln§<0.Suy ra ham s8 nghich bién trén [0;1]

¢ 0 o : ©L
4 -

o) \

Suyra a<4 thi BPT c6 nghiém.
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Chinh phyc di€m 8, 9, 10 bai tip tric nghlem GléJ tlch
Ba.; 4, ChonB o

- Biéu kién cta pt: tanx>0=>x_e(0;§]u(;r;3§)
- Layloganth,rnluen2vecuapttaco sm( 4) In(tanx)=0

- Xétham s& f(x) sm(x—zj ln(tanx)

, 1 1 T 2
= f'(x)=cos| x—= [-———=cos{ x == |~ —Z
oo 4 ) sinxcosx 4/ sin2x

<-2'nén: f'(x)<0,x E[O;gju[ﬂ;}zj

Do -1< cos[x-fjsl va
4 2

sin2x

7(0,5).7()<0= ix,‘ e[o;i;iJ

F(3:5)./(4)<0=>3x, e(;’r;%rj
 Vay phuong trinh 2 cho ¢6 2 nghiém trén [0;27].
| Bau 5. ChgnD.
* Taviét lai phu’cmg trinh 2017° = sin x + \/I-I-STJ:
* Diit r=sinx,t «[-L1] ta dwoc phuong trinh 2017 =1 +117 (*)
* Lay logarit co s e hai v& ctia phurong trinh (+) ta dugc
1102017 = m(:+ 1+7 )<:>t1n2017—ln(t+ 1+7)=0 @)

. Xéthémsﬁ'f(t):tln2017—1n(t+ 1+tz) véi te[—i;l]

¢ Co f'(:r)=1112017-—\/1_1'_7 >0, suy ra f () 1 ham s8 dong bién ma £(0)=0 nén

phuong trinh (2) ¢6 nghiém duy nhat r=0hay sinx=0& x=k7.

~ Yéu ciu bai toan, taco -5<k<2017 -
Ba1 6. Chan
* Tacd y'= =35 —6x+3mva " 6x 6.
* D¢ dién tich phia trén bang dién tich & duéi tryc hoanh trude hét do thj ham so phai
co cye tri hay m <1 : :
* Gia s&z db thi ham s& cdt Ox tai ba dlem %, <%, <x;. Do ham bic ba d6i xung nhau

© qua diém uén nén yeu ciu'bai todn h,rcmg duong vai x, =1 (la hoanh 45 diém uon)
* Thay x=1 vao phucmgtrmh X =3 +3mx+m— l—Ota dugc m*%

72




. khangvietbook.com.vn DT: (028) 39103821- 0903906848

Bai 7. ChonA..
_.Phuong trinh hoanh do giao diém Mi?—z x+3& f(x)=2" +(4-2m)x+5-m=0
x+ -

2mx+m—2

(x ¢'—1). b3 thi (C) cha hdm s§ y= cat chedmg théhg (d}: y=x+3 tai hai

x+1-
A, >0 2 _3Im—
s @{m 3m=1>04,,

. (C) ctd tai AB suy ra
f(-n=0

di#m phan bist khi va chi khi {
: m#-2

+x,=2m-4

XXy =5—m

' x,,%; 12 nghiém ctia phuong trinh f{x) =0, theo dinh li Viét ta c& {x“’
,A(xA;xA+3).B(x;9;xB+3) |
. 4B=y2( (5i=%)’ = J2(x 3, x5, =B’ ~28m+12.

1
: Tacq. Spian = Zd("’) AB=3

3 3
e AB =72 & 8m’ ~28m-60=0c| " 2, kéthopvéi (Y suyra| 2
' ' o m=5 1m=5
. e o T
thc’)aményéu cau bai todn. Suy ra téng cac phan tix ctia Sla 5
Bai 8. ChonC.

St dung phwong phap chudn hoa ta chqn a=4_, b——3 c=0=y=x —3x théa y= 0
,_coSngl'uemphanbmt Khidé y'=3x"-3 y '=6x.

Do d6°2f ()£ "(x)=[ /" (x)] & z(x ~3x).(6x) = (3" -3)’
<::>12x- —36x’ =9x -18x* +9 < 3x* —18x ~9 O@{x_ _3+2J§>0 =i«/3+2\/§
=3 2J§ 0
Bai 9. ChonC. -
- Ta cd f(x) Y +xP—2x+3 suy ra f' (x) =3x"+2x-2=0 ¢6 hai nghiém phéan biét
f(x 2017) ¢6 2 di8m ey tri. - ‘
- Pitu=x-ltacd: f(x-1)=f(u)
- S8 nghiém ctta phutong trinh £(x)=m va f (u)=m+1 chua thé khing dinh cua cting
56 nghiém nén sai, twong te D sai. : :
. D& thdly s§ nghiém cia’ phuong trinh £(x)=2017 va f(u)=2017 13 giéng nhau nén
C dtng. ‘ - : ‘
Bai 10. ChonD.
v Phén tich:
_Bai todn nay khé ning vé tinh toan, va cic ban can phai nim rd cach viét phuong
trinh ti€p tuyén tai mét diém.
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Chinh phic diém 8, 9, 10 b tip tric nghiém Gidi tich

Gidsit M (x,; f(x,)) . Thudc db thi (C). Phuong trinth tiép tuyén cia db thi ham 58 (C)

s.araAr x ) ' ' 2 +1
tai diem M (x,; f(x,)) 12 y:y'(xo).(x;-x0)+f(xo) hay’ y= 2(x—xo_)+ %o

1
(x, +1) : x, +1

x 2x, +2x, +1
: + -
(x+ ]) (x, + l) _
Theo bai ra ta ¢6 khoang.cach tir digm 4(2; 4) va B(—4 -2) dén ducmg thing d 14

béng nhau nén ta co:
2x) +2x5+3
(% + 1)

2% +2xo +3

(x0 +1

—4

_'ng +2x,+3

_I (i‘b+1)?

’2x§ +2xy+3

l (% + 1)2

+2

J(x0+l) (x0+1)

Gidi phuong trinh trén ta cd x, =0,x, =-2, x, =1. Tl &6 ta chon dugc két qua clia bai todrn.
Bai 11. ChonB. o _

Tacé f(x).f'(x)=3x5 +6x? @Jf(x).f‘(x)dx'=.|.(3x5+6x-2)dx

& [f(x)d( x))— LAY +Co— ( )% +2x +C<:>f2( x)=x® +4x° +2C

Ma f{0)=2=f’ (0)=4:>2C_=4=-f2(x)=x +4x° +4

=20 442} 442100 _ -

Vay £7(2)=(x° +4x> +4)
. ” x=2
Bai 12. ChonA. o

Phuornig trinh hoanh 46 giab diém

—otme mo8stl-m=0(3).
A=m? —2m+5>0

' Ta ¢ d cit (C) tai hai diém phan b1et khi va ch1 khi §, .
, _ (1) +(m—3)1+1-m=0
(lubn ding vai moi m). - . '
: s b : A L -\. - m; +1:2-.-: 3_m
Goi z,,z, 1a hai nghiém phutong trinh (*), ta cd -

Iz, = 1—m

va (C) cht 4 tai

./-1(:.':1,56I +m) B(a:.zg_z; +m)
Vecto AB = (m.z —I;T, - ml) cung phuong vm vecto ¢ = (1;1).

Tam gi4c OAB vudng tai A khi va chikhi OAZ = 0 & 2z, +m = 0.

—.'r1+.’§223—m - ,23:1=—m ) _H1+\/—
.Ta ¢6 hé phuong trinh {z 2, =1-m ‘& 2z, =6—-m =
o . R , : =1-+5"
: 2xlf—m . —m(6—m)z4—4m o
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| BAI'ToAN TOI VU KINH DOANH

Céu T: Trong tran d4 bong Vigt Nam gap Thai Lan tai SVD Quéc gia M§ Dinh, don vi
" Thai Ticket phan phdi hon hon 1000 vé cho 8 dong vién x¢¢ Chiia Vang. N&u gia ban
13 100.000 don vi tign té/vé thi tit ca s8 vé déu duge ban hét va gid vé néu cit ting
_ thém 2.000 don vi tién & thi s& c6 10 vé khong dirge mua nira. Hoi don vi Thai Ticket

muén c6 loi nhugn cao nhét thi phai ban vé véi gid bao nhiéu?

A  Gia
7 Goi gia vé d€ don vi Thai Ticket mudn c6 loi nhuén cao nhit la 100.000 + x {don vi
tién t8).

' Sity ra s8 vé khong bén duoc ka: 213{’)‘0 (vé), & day x/200 13 58 nguyén.

Suy ra lgi nhun ctia don vi Thai Ticket 1~

200

(100,000 + x)[iooo'- L] = 56(100'000 +x)(200.000 - x)
(a+b) . - 3000002
4

ta c6: (100.000 + x){200.000 —x) <

: Ap dyng BE)T:ab <
Déu béng c6 khi va chi khi 100.000 +x = 200.000 - x <=>x = 50.000

. Vay don vi Thai Ticket nén ban vé véi gia 150.000 don vj tién & /vé.

. ¥ Binhludn: - ‘

Ciu hoi dat ra Ja:

- - Néu gid ban 14 100.000 vnd thi t4t ci s& vé déu dwrgc ban het th1 ta dugc diéu gi?

[N T T A i
= SN N Ay T s TREESRLLLL Ll elimim o L FEEOTR LT AR BRI L TR R ULV I ET RN [ Rl ==t RECRNINIL - - N ST . S AP

+ Thir nham tinh: Néu gia 12100.000 vnd, néu ban hét mang 1a1 doanh thu 100trig¢u vnd.
B Day khéng phai la.doanh thu cao nhat.
+ Trong thyc t& thi viéc ban vé ciing nhu cac mét hang khdc, ching ta déu mudn tim loi
" nhuan caonhét, nhung & méi thai diém mcn khéc nhau thi gia ca dwa ra phai hop ly,
khi nguedi ta thdy can gia cao hon ho cling mua, tuy nhién s€ cd sw giam sut vé s§
lugng san pham bén ra. Giam cling dugc néu doanh thu la cao nhat.
- Téng thém 2.000 vnd thi s& c6 10vé khﬁng drge mua nira? Cho ta duge didu gi.

Ta s& biét du’ s8 vé khdng ban diroc 12
¢c s8 vé khdng ban Oca?_{)OD

. Doanh thu ban vé trong truong h(_)p nay 14: (1.000 —250).150.000= 1125 triéu.
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Gii tich

Trong bdi toin trén ia thé’y,: :}n:,ic di ban dwoc 6 750 vé thii, nhung véi gid ban 150.000/vé
nén doanh thu la: 112,5 trigu. )
Ciu 2: Vao 19h00 ngay 8/11/2016 dé dién ra trén bong d4 gitta Viét Nam va Idonesia tren
san van dong Qudc gia M§ Dinh véi stic chiza 50.000 khan gia. VSi gia vé 200.000 dong,
trung binh bén dwgc cho khan gia 1a 25.000 vé.Khi gia vé giam xuong con 195.000 dong,
s0 khén gia mua ting 1én 35.000 vé. Héi ban t8 chitc san nén ban gid vé vao san vin dong
Qudc gia My Dinh la bao nhiéu 48 dat duge doanh thu t8i da. Biét ham bidu dle:n méi
quan hé gitra gia vé vasd vé ban durge 6 dang 1a mét duong thang
A, 187.500 dong ~ B.95.800 déng C. 135.650 dong D. 106.250 ddng
: - Giéi: - o
‘. - Viham lamét du’orng thing, nén goi ham s§ ¢6 dang:y=ax+b(*)
Véi x: gid vé; y: s6 vé ban dugc (ciing chinh 13 58 khan gia tham gia)
» Theo gia thiét: Von gia vé 200.000 ddng, ban dugc 25.000 vé, thay vao (), ta cé:
200000a +b = 25000 (1)
> Theo gia thiét: Véi gia-vé 195 000 ddng, ban dugc 35000 vé, thay vao (%), ta ¢o:
195000a +b = 35000 (2)
Tu (1) (2) ta gidi duge a = — 2; b = 425000
Viy ham 58 c6 dang: y = — 2x + 425000
- Vi sn vin ddng chi chita-t6i da 50.000 khdn gia, c6 nghia 1a khéng dugc ban qua
50.000 vé. Cho nén didu kién ctia y 13: 0 < y € 50000
0<% 2x+ 4250005 50000 <> 187500 < x < 212500
Viy him s8 ciu c6 dang: y = ~ 2x + 425000 vdi 187500 < x < 212500
Nhu ta biét ham y = —2x + 425000
Gia vé 12 x, thi ham biéu dién doanh thu la:
y= £(x)=— 2x2 + 425000x véi 187500 < x < 212500
¥ = — 4x + 425000 ,
Choy'= 0cé ~ 4x +425000= 0<> x =106 250 (Loai)
' Vay max y = £(187500) = 9 i 375 tridu déng dat dugc khi x'=187._500
Céu 3: Mot trdn béng da éng A dinh mua sau d6 ban lai 20 vé xem. Néu gia ban Ia
30. ODOVND/ve thi 8t ca s§ vé déu dugc ban hétN&u gid vé néu o ting thém
2.000VND/vé thi s€ ¢6 1 vé khong duogce ban duge niza. Hoi phal bén vé véi gia 1a bao
nhiéu d4€ & ong ‘A thu duoc loi nhuan 1A cao nhit?
Giai:
G01 gla vé &8 c6 loi nhuan cao nhat 1a30000+x (VNE))

- Suyras8vé khong ban dugcla 2000 (vé), x/2000 la sO nguyén.
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| X 1
Suy ra loi nbuén thu dugc 1; (30000 + x)(ZO —mj = 5665(30000 +x)(46000 - x)

70000

—
mn

c e +b-),2 ‘

Ap dung BDT abs<=— - tacs: (30000+x {40000 —x) < ——
Déu bang 6 Khi v& chi khi 30000 +x = 40000 x <> x=5000

Thieo bit déng thir¢ phuy thi s8 vé ban ra ting véi gid ban d3u 12 5.000 dong, tuy nhién

khi tinh ra vé thila mét s¢ 1é: 2,5 vé, vy ta 1ap bang bién thién nhw sau:

X . |-ee 4000 5000. 6000 )
£{x) - - 0 + +
' £(5000)

. fa000) " £(6000
£(x) / ' : \

Véy 6ng A nén bén vé véi gia 40000 VND/vé hodc 60000 VND/ve
Khi dé lgi nhuin cao nhat la 612000 dong.

> Cach khac.
G01 gid vé d&. co lgi nhuén cao nhit 1A 30000+ X (VNE))

Suy ra s8 vé khong ba_n dugc la 2000 (ve), x/2000 13 s6 nguyén.

‘Suy ra lgi nhudn thu duge i (30000+ x)( 2000, 2000

X J — {30000+ x){40000~x)

- - y2 ,
. Ap dung BBT absx (a“;b) - ta 6 (30000+x){40000 - x) < 70[;00

Dau béng cdkhi va chikhi 30000+ x = 40000 —x <> x = 5000

Theo bit déng thixc phu thi s8 vé bén ra ting vdi gia ban dau 1a 5.000 ‘d‘(")ng, tuy nhién
khi tinh ra vé thi 13 mét s8 1&: 2,5 vé. Do do d& thu duge 1gi nhudn cao nhét thi s8 vé
khéng ban dwgc nita 122 hodc 3.

. Né&u s8 vé khéng bén duge 1a 2 thi =2 ¢ x =4000 nén gia vé 13 34000 khi db

2000

3 1gi nhudn thu dwroc B (30'000 + x)( 0):)0) = 612000

Neu s§ vé khong ban duzoc la 3 thi —— =3 ¢ x= 6000 nén gi4 vé 13 36000 khi d6

2000
-6 lqi nhudn thu duge Ja (30000 +x)| 20~ —— | = 612000

| zooo
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Chinh phuyc diém 8, 9, 10 bai t§p tric nghiém Giai tich

Céu 4 Tuyén xe buyt nhé Thach Thanh khi vita khai treong tai tinh Nghé An dy dinh: -
Néu quang dudng di dwdi 20km thi gid vé 1a10.000d goi d¢ 1a gia vé loai I. N&u quang
duong di trén 20km thi gia vé 1a 20.000d goi 13 gid vé loai IL.Sau mot thdi gian ngén
hoat déng cbng ty nhan thdy: Véi gia vé nhue vy trung binh hang thang cé khoang
2.700 ngurdi mua gia vé loai I va 600 ngudi mua gid vé loai II. Néu gis vé loai I otk ting
thém 2.000d thi 6 khoang 6 ngudi thoi khong di xe buyt mdi nigay. Néu gia vé loai I
tang thém 5000d thi c6 2 nguwdi thdi khdng di xe buyt.1 ngay. Hbi néu cb thé didu
chinh gia vé thi cng ty cé the dat duoc loi nhudn cao nhat 1a bao nhiéu 1 thang?Bigt 1 -
thang c6 30 ngay. :

Giai: -

- Gl gid vé loai I méi 1a (10000+x) d; gia vé loai Il méi 1a (20000 +y)d

6x - 2y ‘

2000”5000

© Suy ra s8 ngwdi khong di xe buyt nita mdi ngay 1a

 Chii § & diy 6x/2000 va 2415000 L mét s6'nguyén.
- S8t{én cong ty thu dieoc 1 thang la: :

5= (10000 + x)[2700 _6:30x J +(20000+y) ( 00— 2.30_3,)
- 2000 /. 5000

5000 J.
(a+b)’ '
4

Ap dung BDTab < ta co:

Smﬂl(j%(looooﬂ)(aoooo x]«;-%(zooomy)(soooo y)
180 _40000"-+ 60. 70000
20000 4 50000 4

10000+ x=30000—x __ [x =10000

20000 +y = 50000 -y {y =15000

Viy tong lgi nhuan 16n nhat ¢ thé cta céng ty 1a 50.700.000 (d6ng).
' Céu 5: Ong Minh tha ca trén cai ao dién tich 50m? d& nuédi ¢4 diéu hbng. Vu vira qua dng
- nudi véi mét d6 28 con/m2.va thu duoc 1,4 tin ca thanh ph&m: Theo kinh nghiém nudi
- ¢4 clia minh,6ng thdy cir tha gidm di 8 con/m? thi mdi con c4 thanh ph&m thu dugce
tang thém 0,5kg.Vay vu téi 6ng phai mua bao nhidu cé gibng d€ dat dugc tdng ning
sudt cao nhil? Vi ning suit d6'1a bao nhiéu? (Gia stt khéng cé hao hut trong qua
_tnnh nudi). :

= 50.700.000 (dong)

" - Diu” ”xayrak}uvachlkhl{

Giai: :
- 56 ca 6ng tha trong vu vira qua la: 50.28 = 1400 (con)
- Khéi legng trung binh mi con ¢4 thanh ph&m vy vita qua la: 1400/1400 = 1,0 (kg/con)
- Gia sz d€ dat néhg sudt cao nhit éng nén giam 8xcon trén 1 m2khi d6 s& Iugng ca
con lai 1a: (1400 ~ 400x) (chut y 400x 12 mot s8 nguyén) tir &6 tinh dugc khdi teong ca thu

1&:(1400—*400)()(1—!-'0,5)()=200(3,5—x)(2+x)<200[(3 a x) 9] ~1512,5
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‘_ (Ap dung BDT Caﬁchy cho2s8 duong)
- Dau” ”xayrakkuva chi khi (3,5~ x) (2+x)<:>x 0,75

Vay vu t6i éng phai mua 1000 - 400.0,75 = 700 (con) va tdng néng sut la: 16384(kg)
Cau 6: Trén mét chifc xe khachtuy&n dudng c8 dinh 1 ngay cd khoang 100 khach 1én xe
voi gla vé 12 70.000d/vé.Chir xe nhan thdy ring ot ting gia vé thém 5.0004 thi s& hanh
Kkhach lai giam 6 ngudi/ngay Hoi chii xe nén ting gia vé thém bao nhiéu & c6 duoc
loi nhudn 14 cao nhat?
. ' Giai:-

- GQI gia vé d€ chii xe ¢6 lgi nhun cao nhtla (70000 +x) d.

- Suy ra s8 ngudi khong di xe buj’/t nita mbi ngay 13 5000

Chut 3 6x/5000 nguyén.

- S8 tign chui xe thu dwge 1 ngay 1a: S = (70000 + x)(IO 52;0)

. . 2.
. (a+b)
- Ap dung BDT ab = ta co:
$ =(70000+x) 6 \__6_(70000+x) 2900 _, )<
, 5000 5000 3
[70000 250000) |
< =7.053.333 (ddng)
5000 4 ,

250000

- D&u bing c6 khi va chi khi 70000+ = —x & x=6.667 (dong)

Vay tng loi nhudn 16n nhat c6 thé ctia cbng ty 1a 7.053.333 (ddng)
Va gia vé méi 1a: 70.000 + x = 70.000 + 6.667 = 76.667 (ddng/vé)
‘Cau 7: Mot cita hing banh sinh nhat vira khai truong dinh ban banh véi gid 100.000d/cai thi
s& ban dugc 50 ci/ngay. Theo théng ké chil quén phai tra 1 triéu rudi tién nguyén ligu va
1 triéu tién nhan cdng mdi ngay. Qua khao sat chit quén thdy ring o ting thém 10.000d
thi lai mét 4 vi khach mdi ngay. Héi chil quan nén ban banh vdi gid bao nhiéu d€ thu
nhap 1a cao nhat? Khi d6 éng 181 dugc bao nhiéu tign mdi ngay?
, ' Giai: .
- Goi gid bark € chit quén c6 duoc thu nhp cao nhAt(100.000+x) d.
- 58 tién chiy quén this v8 fr viée ban banh 1 ngay La:

5= (100,000 + x)(SO -

) —=—(100.000+ x)(125.000 —x)
10.000 ) 2500
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" Chinh phuc diém 8,9, 10 bai tip tric nghiém Gisi.tich

+b)2 1 225000°
t S<—— ————=5,062.500 (d5
aco: 7500 2 062.500 (déng)

Dau béng cd khi va chi khi 100.000+ x = 125.000—x < x=12.500 (dong)
Véy t8ng loi nhudn chi quén ¢6 thé thu duge 1a:

Ap dung BDTab L (

- 5.062.500 ~1.500.000 - 1.000.000 = 2.562.500 (dong)

Va gid banh mdi 1a: 100.000 + x = 100.000 + 12.500 = 112.500 dong/cau

Cau 8: Vu vira qua dng LAm Minh Hai tha nubi 50 con ¢ trém den trong 1 céi ao rdng

120m? va ban ra khi ca dugce 3 - 4kg véi gid 240.000d/con? N&u s8 ca tha nudi ban diu
ctt ting thém con thi gia tri cd giam 4.000 d/con. Hoi phai tha c4 véi mét df 1a bao

- nhi&u d€ 6ng Hai ¢é duzge loi nhuén 1a cao nhat?

- © Giai: ‘
O bai toan nay chiing ta phéi cdn than khi c6 3 58 liéu bién ddi: Mat 46— Gid ca giam —
56 ca. Nhung bai toan dé dang nhan thdy mdi lién hé: s8 ci tdng thi gid ca glam
Goi 56 ca tha nuéi d€ ¢6 lgi nhuén cao nhat 1350 + x (con) o

“Thi .tong thu nh.'_ap ctia 6ng Hai la: S —(50+x)(240.000 —4000)() =4000 (50 +x) (60—.x)
Ap dung BDTab < (2 J;b) ta 06:5 = 4000( 50+ x }(60 —x) <1000. ——(ciong)
Déu bing c6 khi va chi khi 50+x=60-x <> x=5 {com)

M4t d6 Iic nay 1a: 0" 0,4583 (con/m?)

0 Bai tip 4p dung | o
Bii 1: Trong mila cao di€m du lich, mét t6 hop nhi nghi & Da Ning gdm 100 phong

dong gia ludn Iudn kin phéng khi gid thus 320 nghin dbng/phong: Qua khao sat cac nim
treée b phan kinh doanh clia nhi nghi thdy ring: ctt ting gid phong lén x%(x 20)

-850 v6i lie kin phong (gia thug 320 nghm dong/phong) thi s6 phong cho thué gidm di

X o Hai nha nghi pha1 niém yét gia phong 1a bao nhiéu dé dat doanh thu cao nhét?

A.360 nghm déng. B.440 nghin dong €320 nghin dong. 1,400 nghin dbng.

Bai 2: Chi phi cho xu4t ban x cudn tap chi (bao gom: luvong c4n bd, cdng nhan vién, gifly
_in... ) dwgc cho boi C{x)=0,000 i'xz —0,2x+10000,C (x) dugc tinh theo don vi la van

dong. Chi phi phat hanh cho m?i cudh 12 4 nghin déng. Tis§ M (x}= ( ) voi T (x) la

téng chi phi (xuét ban va phat hanh) cho x cubn tap chi, dugc goi 12 chi phl trung binh
cho mét cudn tap chi khi xudt ban x cuén.Khi chi phi trung blnh cho méi cuén tap chi
M(x) thip nhét, tinh chi phi cho m&i éudn tap chi dé.

A.15.000 ddng. - B.20.000 ddng. C.10.000 dong lj.22.000 dong.
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Bai 3: Mot ngueoi ndng dan mudn ban 30 tankia. Néumdi tén ban véi gia 4.000.000 ddng
thi khach hang mua hét, néu ctt ting 18n 300.000 ddng mai tin thi c6 hai tin khéng
béan duge. Vay cin bén mot tn lda voi gid bao nhidu d€ nguedi ndng dén thu dirge s6
tién 16n nth&t? - '

- A.4.000.000 dong B.4.100.000 dong - C. 4.250.000 dong D.4.500.000 déng

Bai 4: Anh Phong 6 mét céi ao véi dién tich 50m? d€ nudi ¢ diéu héng. Vu vira qua,

" anh nudi véi mat 4§ 20con/m? va thu duoc 1,5 tén ca thanh pham. Theo kinh nghigm
nudi ca clia minh anh thiy ci tha giam di 8 con/m? thi mdi con c& thanh phim thu
dugc ting thém 0,5kg. D? tdng ning suit cao nhét thi vu téi anh nén mua bao rhiéu
cé gidng 4€ tha? (Gia st khdng c6 hao hut trong qué trinh nudi)

~ A.488 con ~ B.658 con . C.322con D. 512 con

Bii 5: Mt cing ty bt déng san b 50 can hd cho thué. Bidt ring néu cho thud méi cin hd
véi gia 2.000.000 dong mot thang thi moi cin ko déu ¢6 ngudi thud va i ting thém
gid cho thué mdi cin hd 100.000 déng mot thang thi s& cd 2 cin hd bi bd tréng. Hoi
mudén ¢é thu nhip cao nhat thi cong ty &6 phai cho thué méi cin hd vdi gid bao nhiéu
mét thang? .

_A. 2.225.000. © . B.2100000 C.2.200.000 1D.2.250.000°
© Bai 6: Mt cdng ty vari tai thu vé 50000 dong m3i khach hing 1 thang. Hién mbi thing
- cdng ty 6 10000 khach hing. Ho dy dinh ting gi4 vé nhung néu gia vé ting 10000
déng thi s6 Khach hang sé giam 300 ngudi. Hoi cong ty nén tang gia vé 1a bao nhiéu
& doanh thu hang théng 12 16n nhit?
A.80000 ddng B.75000 ddéng G 100000 ddng D. 90000 déng
* Bai 7: Mot chit hé kinh doanh c6 32 phong trg cho thué. Biét gid cho thué mdi thang 12
' 2.000.000d/1 phong tro, thi khéng c6 phong tréng. N&u ot ting gid mbi phong tro 1én
200.000d/1 théng, thi s& c6 2 phong bi bé tréng. Hoi chit hd kinh doanh phaéi cho thué
véi gia 14 bao nhidu @8 6 thu nhap mdi thang cao nhat?
A.2.600.000 d. B.2400.000 4. C.2.000.000 4. D. 2.200.000 4.

Bai 8: Mot cdng ty van tai c6 78 chiéc may xte. Biét gid cho thué mdi thang 14 4.000.000d/
1 méy, thi t&t ca 78 méiy déu duge cho thué hét.N&u ot ting gia mdi may thém
200.000d. thi s& c6 3 may khong durge thué:-De cb thu nhap mdi thang 14 cao nhit tht
cdng ty d6 sé cho thué 1 may mdi thang s& tiénla: .

A4600000d .  B.4.300.0004 | C.4.400.000d D.4.200.000d

LI GIAI CHI TYET

. Bai 1 Ch()n A.

- S&tien thué mbi phong sébiang 320 [] + w—(-)-—] nghin d6ng
- S8 ph(‘)ng dugc thud sé bing 100 [1 - %J phong
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Chinh phuc dié'm 8,9, 10 bai tip tréc nghiém Gidi tich

- Klu do 5§ tién thu duoc s& bang 5= 100(1—1"— 320( _"""J = 54 (125-x)(100+x)
| 500 100) 2587

nghm dong

- Tacé S=—-—(l25—x)(]00+x) 32400~§[ Z;J <32400

Viy max S= 32400 ox= % = Tién thué 1 phong bing 320(1 +-2%56J =360 nghin déng

Bai 2: Chon D. _ _ _
-~ Ta c6 chi phi phét hanh cho x cudn sach 120,4x (van dong).

- Khidé T(x)=0,4x+0,000kx" —0,2x +10000 = 0,0001x” +0,2x +10000
10000

Va M(x)=0,0001x+-—"+0,222,2 (vari dong) = 22.000 ddng. -

Bai 3: Chon C.- -
- Goi x 1a gia ctia mdt tan lia cin ban (xz 4000.000)
y 1a 58 t&n la khéng ban dugc
" S8 tan lta ban dugce 1a 30-y
Ta ¢6 ting 300.000 6 2 tdn khéng ban duge.
x4, 000 000 6 y tdn khong ban dtrqc
5o o, X—4.000.000
150.000 : :
56 tién thu dugc: P =x(30-y) = 3(8:500.000— x)
'150.000
Ap dung bdt ding thitc hoac dung ham s6 ta duqc gid tri 16m nhat khi x = 4.250. OOO _
‘Bai 4: Chon A : :
- 86 cé anh Phong thé trong v vita quala 50.20 =1000 {con)
1500

- Khéi hegng trung bin_hhméi con ca thanh phan 14
- Goi x>0 158 cé anh can thi it di cho vu t6i nén s& ting 0,0625x kg/con
- Tacé phuong trinh tong Kkhi lugng cé thu duge T=1(x)=(1000~x)(1,5+0, 0625%)
{f (x)——O 125x+61-0:>x 488 -
f(x)=-0, 125
'Vay & vu sau anh chi cin tha 1000— 488 512 con cé gidng.

Bai 5: Chon D. :
- Gidsir g1a tlen cho thué la 2000000 +x dong mot thang thi thu nhap cao nhat

= maxf(x)'=16384@ x = 488

x
:Socanhobotrongla 100000 7

82




T RN AMTARSST TRAGTITITIONNS  RONmhl L M IR IR IRARII T 2

) _khangvietbook.com.vn DT: (028) 39103821- 0903906848

(2500000 — x) (2000000 + x)
50000 :

- Tong s& tign thu dﬁqc 1a:T= [50 ——] (2000000 +x) =
: 100000
[(2500000 x)(zoooooo +x)]
e 2101250000
S 50000 -
DEu " Xay ra & 2500000 - x = 2000000 +x <> x =250000.
Nhwr vay, mudn ¢o thu nhap cao 1that thi cng ty dé phai cho thué mbi cin ho vdi gia
2000000+250000 = 2250000 VND mét théng. . ‘
Ba1 6: Chon B..
- Phuong phap. Goi s tién gia vé ting lén 1a x (dong)

Thigt I3p biéu thikc tinh doanth thu hing thang theo x
. Tim gla tri 16m nhat clta bigu thic ds
- Cach giai;

Néu gid vé tang 1én thanh x dong thl 58 khach hang giam dila:
.. X=50000 . x=50000

10000 . - 20 .-

% — 50000 250000 X

Khi 46 5§ khach hang méi thang 1a:1 10000~

20 20
"Doanh thu hang théng la:"
i +250000-x)
250000 X ___Qx(250000_x)gi;(x X) == 78125000
200 <200 200 4

Déu it xay ra ©250000-x=x<x= 125000

Vay gla vé ¢in tang 18n la 75000 dong
Bii 7: Chon A '

- Goin, (ne N) 1 56 T4n ting gid.
- Ham thunhap ctia théng: f () = 2000000+ .200000)(32 - ».2)

= —400000n +2400000n + 64000000 12 ham bac 2 theo n, co hé 56 a<0
2400000
- Va d t gid trj 16n nhat khi p=——""__
y f(n) wga n i i 2.(~400000)
*£(3) = 67.600,000 |
i ( )>£(0)
£(0)=64.000.000

Viéy chii hd s& cho thué vdi gia 2.000. 000+3x200 000 =2.600.0004
> Cich khic.

Goin, (ne N) 12 s 1in ting gia. ,
Harn thu nhip ciia théng: S () =(2000000 + 7.200000)(32 ~ n.2) = 400000{10+ n}{16 — n)
Ap dung bét dang thtte Cauchy, ta co: f(n) <100000(10+n+16- n) = 67600000
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Giai tich

Xayrakhi 10+n=16-n>n=3 -
Do d6 chi hd s& cho thué vai gia 2.000.000 +3x200. 000 2.600. 000&:

Bai 8: Chor A.

- Néu mbi may thué & gid 4.200.000 d6ng thi tong s6 tién thu duocla:
4.200.000x75=315.000.000(ddng)

- Néu mbi méy thué ¢ gia 4.400.000 ddng thi tdng & tién thut ducc la:
4.400.000x72=316.800.000 (d6ng) , :

- N&uméi may thué ¢ gia 4.600.000 dong thi téng s& tién thu dwoc L
4.600.000x69=317.000.000 (d6ng)=>max .

* N&uméi méy thué & gia 4.300.000 dong =loai luén vi 1é. -

BAI TOAN CHO TRUSC HAM $O

Bai 1: Mot cdng ty khai thicthay Igi cho bit da két thic dot xa nwdc day m#n xubng song
Huong. Gitp ngudi dan Hué dam bao nudce sinh hoat, phuc vu néng nghiép. Dot x4
nudc ¢6 cdng suét 800 —x (m?/s).Sau dot xa dé trix lugng nude con lai khoang 500 trigu
m3.Gid str viée xa nude chéng man dién ra lién' tuc x(ngay). Néu tiép tuc xa 20% lugng

- nudc con lai véi kha ndng xa 1én nhét (g véi x tuong tmg) dé thi cbng viéc nay sé méit
bao nhiéu thoi gian (ngay). Chon dép 4n gn ddng nhat, '
A35ngay : B.43ngay C. 58ngay D. 67ngdy

Bai 2: M4t nguedi néng dan nudi ca tré trong mét cii hd cho réng Néu trén méi don vi
dién tich cua mit hd-c6 x.con cé thi trung binh méi con c4 sau mot vucan ndng duge
tinh theo cong thitc: P(x)=7500-75x( gam )

Hoi phai tha bao nhiéu con ca trén mdt don vi dién tich ciia mit ho d&€ sau mdt vu thu
hoach dwoc nhidu ca nhat?
~A.30concé ' B.50.con ca C.40conca - D.60conca
Bai 3: Mt bac sT & bénh vién da khoa da tinh 4§ giam huyét dp ctia bénh nhin A theo
- cdng thite: F{x)=0,02x°(30—x). trong d6 x la litu lugng thudc. dwgc tidm cho bénh:
nhén (x dugc tinh bing miligam). Tinh liéu lwong thudc ¢an tiém cho bénh nhan A d&
huyét 4p giam nhidu nhit.
A.20mg . B60mg C.80mg D.40mg
Bai 4: Mot vi khéch du lich chéo thuyén ngugc dong séng Amazon d¢ thim quan phong
canh thién nhién ¢ dy, doan dudng ma vi khach d6 di dugc 1a 400km. Vin tdc dong
nuée 1a 6km/h, Néu van t6c ciia thuyén khi nude ding yén 1a v (km/h) thi ning heong
tiéu hao ctia du khéch khi chéo thuyén trong t gib dugc tinh béi cong thitc:
- E(v)=cvt '
Trong do c 1a mét héng 8, E c6 don vi faj jun. Tim van t8c clia thuyén khi nuedc dtrng
yén d€ ndng hrong tiéu hao ctia du khédch khi chéo thuyén 14 it nhit.
- A.7km/h : B. 5km/h C. 6km/h D. 9km/h
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Bai 5: Hing ngay, muyc nuxde etia mdt con kénh n xudng theo thuy chiéu. B§ sdu h (m)
ciia myc nudc trong kenh tinh theo thoi gian t (k) trong mét ngay cho bdi cdng thirc

ot
h Zcos( 6 —3—;) +10. Mucnuwée ciia kénh cao nhat vao lic méy gio tdi?

A.10h S B9 © C.8h D.7h
Bai 6: S8 san pham ctia mdt hang dau DVD sdp san xudt dugc trong 1 ngay 1a gié tri clia
C R : .

| ham s&: f (m.n)=m?n3, trong d6 m 1a s6 luong nhén vién va n la s8 lugng lao dong

" chinh. Mbi ngay hang phai san xudt dugc it nhét 40 san phim dé dép tmg nhu cau
Kkhach hang. Biét ring mdi ngay hang d6 phai tra lwong cho médt nhén vién 1a 6 USD

~ va cho mét lao ddng chinh 14 24 USD. Tim gi4 tri nho nhét chi phi trong 1 ngay cha
hang san xudtnay. . - L : _
A720USD : - B.600USD - C.500USD D.1720 USD

~ Bai 7: Mt cdng ty kinh doanh nghién ctu thi trudmg trude khi tung ra san phim va

nhéan thdy dé san xudt ra mét don vi san phim loai A va B thi mat Ian luot 1a 2 000
USD va4 000 USD Neu san xuat dugc x san pham loai A va y san phim loai B thi loi
nhuin ma cdng ty thu dwocla L (x »)=8000.x* y2 USD. Gia stx chi phi d€ san xuét hai
loai san phdm A, B 1a 40000 USD g0l Xy, ¥, 1an lugt 1a s8 san phim loai A, B de lgi
nhuin 16n nhét. Tinh x; + v,

A17319 'B.8288 C8119 D.3637

“Bai 8:.96 giam huyét 4p cira mdt bénh nhén duoc xéc dinh b cong thize G{x)=0,004¢ (30-x},

trong d6 x 1a liéu Tegng thudc tigm cho.bénh nthén cao huyét ap (x duge tinh bang mg).
Tim lugng thuc d€ tiém cho bénh nhan cao hity&t 4p € huyét 4p giam nhiéu nhét.
A20mg ~ BO5mg C28mg - D.I5mg

‘Bai ¢: Mot xe buyt cha hang xe A c6 stec chita t&i da 1a 50 harth khach. Néu mét chuyén

Xe buyt chcr X hanh khach thi 313 tién cho mbi hanh khach 1a: 20[3 - —-—] {(nghin dong).

_ Khang dinh ding la:
A. Mgt chuyén xe buyt thu du'oc s& tién nhigu nhat béng 3.200.000 dong.
~ B. Mot chuyén xe buyt thu dugc s6 tién nhidu nhat khi cd 45 hanh khach.
C. MGt chuyén xe buyt thu dugc 8 tién nhidu nhit bing 2.700.000 déng.
- D. Mjt chuyén xe buyt thu dugce s8 tién nhidu nhat khi 6 50 hanh khéch.

BaJ 10: So san phdm ctia mgt hing dau DVD san xudt duge trong 1 ngay 1a gia tri cta
2
“hiamsE: T (m,n) = m_3 a3 , trong d6 m 1a s6 quqng nthén vién vanla s8 lrong lao dong

chinh. M&i ngay hing phai san xuat duoc it nhat 40 san phdm &€ ddp Gmg nhu ciu
khéch hang. Biét rang mbi ngay hang d6 phéi tra luong cho mét nhan vién 1a 6 USD
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Chinh phuc dlem 89, 10 ba.1 tip tlﬂgl'g,-m Gidi tich -

va cho mét lao déng chinh 1a 24 USD. Tim g1a tri nhé nhét chl phl trong 1 ngay clia
~héng san xudt nay.

A.1720USD - = B. 720 USD _ C. 560 USD : D.600 Usp

LSI GYAI CHI m‘i‘r |

Bii 1: Chon C. . , :

- Luong nudc x4 ra trong mdt ngdy La: 864004/800— x* (m?)
- Luong nuée x4 ra trong x nge‘z-yvléz 86400x /800 —x* ( m?)

- Xét hdm £(x)= 86400x V800-x? , xe (0:20v2 J

Ta c6: 86400x /300 — 1% < 864oo.£i-§2°;"' = 34 560 000 T

Véy max £{x)= 34 560 000'm? dat dwoc Khi x'=v80—x? < x =20
Diéu nay c6 nghia 1a khi x = 20 ngay thi-leu lu'orng nurde duge xa ra Ia lcm nhat20%
" Tueng nwde hién ¢é La: 500000000.20% = 100 000 090 (m?) )
Lugng nuwede xa ratrong mot ngay tmg vdi didu kién x d& xa nuede Iém nhdt 1a:
.86400v800—-20% = 1728 000 ( m3)
100000000 . .
- Thoi gian hoan thanh cong viéc 1a: t =———— ~ 58 ngay.
of gian hoan cong viéc 1a 1728000 ngay
Bai 2: Chon B. , . _
- Cén néng ctia mdt con ¢4 tré Ia: P(x)= 7500-75% 7
- Cénning chax con ca tré la: xP(x)=7500x-75%*, x e (0;100)
_ - Xét ham s6 F(x)=7500x - 75x*, x (0;100). p& thu hoach duge nhigu ca nhit thi can
ndng clia x con cé tré phai Ién nht hay F(x) dat gid trj 1én nhat.
F(x)=7500—150x =0 <>x =50

- Bang bién thién:
X 0 . 50 100
Flx) | . + 0. -
‘ 187500

Dyea vao bing bién thién ta thiy F(x) dat gia tri 1on nhatkhi x= 50 con cé.
Véy phai tha 50 con ¢ trén mdt-don vi dién tich clia mat ho dé sau mét v thu hoach

~ duge nhidu ca nhit.
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Bai 3: Chon A. _
Thuyc chit day 14 bai toaIl tim cye tTi clia ham F(x) ma cu th& 14 gid tri 16n nhat cia
- F{x) voi dieu kign X2 O.
Xét ham F(x)= .0,02x (30- X) , e [0 +e0)

x=0
'y — _ = 0 @
.F (x)= .0,04.30x 0,06.x [x —20
x 0 20 to0
F(x) + -

Fx) /80 T

 Duya vio bang bién thién ta thdy F(x)< 80 do dé maxF(x)=80 khix=20

Vay ligu hrong thudc can tiém cho bénh rhan A 4& huyét 4p giam nhidu nhdt 12 20mg.
Bai 4: Chon D.
- Vian t8c clia thuyén cOn laila:v—56

' .. 400 400cv’
- o el 5n di dreoc 400km la: t=—— do dd: E(v)=
Thmgxanﬂmyend_ld e w6 o (V) —
- Do e>0nén d& ning lurong tiéu hao cla du khich khi cheo thuyén 1a it nhat thi E(v) dat

400v°
gid trinho nhét khi ham s8 Ei(v) =

, ve(6;+00) dat gid tri nhonhat.

800v —7200v* v=0
Br()=— =0

, (v—6)' fv=9
- Béngbién thién: ‘
o ' 0 . 9 . +o0
Ed'(v) - 0 +

Ei(v) \ /
' 97200

ADuaa vao bang hisn thién ta thiy E(v) dat gia tri ntho nhat khi v =9km/h.
Vay van tc cua thuyén khi nude dimg yén d€ ning luo'ng tiéu hao cta du khach kid
cheo thuy®n 12 it nhat 12 9km/h.

Bai 5: Chon A.

A - \ - t
- D& muc murde cao nhét i f(t)= COS(%+%]max =1(t>0)

t=10(h)

t=22(h)

N SN 2 S
- D#ubang c6 khi va chi khi ?+5'—“-2k77 :{
Vay muee niedc cao nhét vao lac 10h t6i.
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Chinh phuc dlem 8, 9, 10 bai tap tric nghlem Gidi tich

Ba1 6: Chon A,
2 ]

. Theo gi thlet tacod m3nd > 40, bai toan yéu c‘a’iu ﬁm gia tri nﬁé nhit ctia P=6m+245.
. TacéP= 3m+3m+24n>3\/3m 3m. 24n = 18.m-‘ n3 =720.

ot KW

Dau“="xayrakhi m=80,n=10.

- Va ay g:a tri nho nhét chi phi trong mét ngay cla hang san xuét 1a 720 USD. -
Ta cin tim GTLN cua x(f)véi te[0; 6]. Tacé: x "(#)=v(¢)=0 khi r=2hogc r= 5,

x(O)_~ C_’,x(2)=—+C,x(5)=—-_+C x(6)=6+C.

Vvay GTLN cax(r) (véi r<[0;6]) dat du'qc khit=2
Bai 7: Chon B.

: 1 . '
Cantim x>0,y >0 d& L(x,y)=8000.x".17 Ién nhat bict rang 40.000 = 2000x + 4000y
<> 20=x+2y -

7 e
Ta c6: (r‘.sz =x’y’

20’=x+2y=§+-+—+4——+~—'>5

' *_Zy x=8
Déu ding thiec xay rakhi vachikhi {2~ 3 - @{ )
. . o y=6
20=x+2y

_ Dodoﬂ(xy) 8000..\:3 2Iorxurihatkl'u*&rz-xcl'ukhlx =8y=6.
Nhu vay x2 +y]. *83-1-65 =8288.

Bal8 Chon A.
Bai toan di tim xe[O 30] dé G(x) dat gia trj I6n nh&t.

18 , 9 5 36
24 O—x)=-—-—" —_— = =
G(x) 0,024x (3 x) 7 1251 +25x :>G(x) 25X Fs¥
x=_0 , -7
1 =0
G(x) L 20e(o30)

Ta c6 G(20) 96:G(30) = 0;G(0) =0
. Vay G{x) dat gié tri lon nhitla 96 kl'u x=20

Bai 9: Chon A. . . _
. S8 tién cta chuyén xe buyt ché x hanh khich 1a:

f(x)=20x.(3_—2"6]2=20(é L 3J(0<x<50)

- 20" 1600
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. 2 ) w0
£1(x)=20{'9 3" FE X Mo r(x)=0o] " = maxf(x)=1£(40)= 3200000
10 1600 , : x= 120 [0:50]
- x|8 40 ' s
¥ -+ h) -

' ’ 3280000

Vay: mét chuyén xe buyt thu du’O‘c 10'1 nhuén cao nhat bang 3.200.000(d6ng).
Bai 10: Chon B. )

21
- Tacoglat}uet m3 3 240 & mn 2 64000 véi mneN

- - TSng s tién phai chi trong mot ngay | la 6m+ 24n=3m+3m+ 24n >33/216m’n 2 720
" D&u "=" x4y ra khi va chi khi 3m =24n m=38n

- Do d6, m’n = 64000 < 64n’ 2 64000 <> n 2 10
Tachon n=10=>m =80 ‘
Vay chi phi thap nhat d& tra cho 80 nhan vién va 10 lao dong chinh d€ san xuit dat
" yéu cau la 720 USD. :

 KHOANG CACH - PITAGO
TOI UU CHUYEN PONG

Bai 1: Trong bai thyc hanh ctia mén hudn luyén quén st c6 tinh hudng chién si chay mét
doan duwong 161 phai boi qua mdt con sbng d€ tin cong mot muc tiéu & phia bo bén
kia séng. Biét ring 1ong séng rong 144(m), van t6c boi ctia chién si bang nira van t8c
chay trén bg. Ban hay cho biét chién si phai boi bao nhiu mét d€ dén duge muc tidu
nhanh nh&t, néu rnhe ddng song 1a thdng, muyc tidu & cach chign s m (km)theo dudng
chim bay.
200

A963(m) ' B.133,33(m) C.143,23 (m) D)

Bai 2: Mét dudng day dién duoc ndi tiz ndt nha méy dién & A dén mét hon dao tai C.

Khoang cach ngin nhat tiz C dén B 12 1 km. Khoang céch tix B dén A 13 4 ken. M3i ki day

- dién dat dudi nirée mat 5000 USD, con dit dwdi dat mat 3000 USD . Hoi digm S trén bo
cach B bao nhiéu @& khi méc day dién fir A qua S rdi dén Cla it ton kém nhit.

Al B

2 .

© Bai 3: Mot con duong dugc xdy du’ng gitta ha.1 thanh phd A va B. Hai thanh phd nay bi

C— ' D.3

W

ngan cach mQt con séng 6 chigu réng r. Nguwdi ta can x&y 1 cay cau bat qua sdng biét
rdng A-cach con sdng mét khoang 3 km. B cach con sdng mét khoang 4 km (hinh v&).
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Chinh phyc diém 8, 9, 10 bai tap tric nghidm Giii tich

Hay cac dinh vi tri xay cau (khoang cich CF)
détong khoang cach gma cdc thanh pho lanho .

nhét. .
18 ' }“""‘
A~ lan " B.4km -
C.3km D—I;i km

Bai 4: Tinh chigu dé\i bé nhit cia cai

thang d& nd c6 thé twra ndo tidng va
mit dat, ngang qua c6t & cao 4m,
song song va cach tudng 0,5m k& tr

tm cha cft d& thinh vé).
A.43576m B.3,7521 m
C.6,8976 m D. 5,5902 m

- Bai 5: Pudng cao t8c mdi xay néi hai thanh ph8 A va B, hai thanh phd nay muén xiy

mat tram thu phi va tram xing ¢ trén dudng cao téc nhir hinh vé. D& tiét kiém chi phd
di lai, hai thanh ph& ndy quyét dinh tinh toin xem xay tram thu phi & vi trf nao d&
téng khoang cach tir hai trung tdm thanh phS dén tram 12 ngdn nh4t, bigt khoang cach
tlr trung t&m thanh phd A, B dén dudng cao

“tc Ian hrot 1 60km va 40km va khoang

- _cach gifra hai trung tam thanh phd 1 120km

_ xéng? (Gia sir chi€u rdng cta tram thu phi

(duoc tinh theo khoang cach ctia hinh chiéu , B
vudng géc ctia hai trung tim thanh phlen -\ [3] - o
duong cao tde, tire 1a PQ ki hiéu nhr hinh & : 2
v&). Tim vi tri cha tram thu phi va tram % i

khéng dang ké). o
A. 72km k& tix P B.42kmkétrQ - C.48kmkéErP D.Tai P

Bai 6: MOt ngudi can di tir khach san A bén bo bién dén hon dao C.Biét ring khoang

cach tir d4o C dén bo bién 13 10km, khoang cach tir khach san A dén diém ngén nhit
tinh tir 4o C vao b 1a 40km. Ngiwdi d6 c6 thé di dudmg thity hodic di duong b 1di di
dudng thity (nhu hinh vé dudi diy). Biét
kinh phi di dudng thay 1a SUSD/km, -
du'cngbo la 3USD/ km. Hoi ngudi d6 phai di
dudng bé mot khoang bao nlrueu d& kinh

10km -

phi nhé nhat? (AB=40km, BC =10km) . A
Al 1—25—km B %km C.W0kn. D 40km.
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Ba1 7 Cé hai chi&c coc cao 12m va 28m, dit cach
_nhau 30m. {xem hinh minh hoa duéi day). Chung
_du'qc buoc boi hai soi diy ti mot cai chét trén

_ - . mat dat nam gitra hai chin cqt toi dinh cia mbi -

. cot.Gol x (m) Ia khoang cach tir. chdt dén chén coc .

. ngan Tim X dé tong dé dai hai day nga:n nhat y -
A x=9. . B.x=10.. c. x=11 ~ D.x=12

- Bai 8 I—Ia1 thanth phd 4 va B cach nhau mét con '

28

12

song. Ngudi ta xay dung mdt ciy ciu £F bicqua 1 sm
" séng biét ring thanh ph§- 4 cich con sdng mdt g F
- khoang 13 5km v thanh phd B cach con séng £
- mot khodng ia 7km (Hinh v&), b1et tong d6 dai :
HE +HF = 24(km) I—I01 cdy cau cach thanh phé 4 K - Tm B

. mot khoang 1a bao n.’rueu de dtrong di tir thanh phé 4 den thanh pho B tangén nhat
(di theo du'ong AEFBY) .
A.53kn. T BIONZEm. o C.5v5km.  D.7,5km.
- Bal9: Ban Hoa di tr ntha &-vi tri A dén trirdmg hoc ta1V1tn C phai di qua'cau tir A dén B
'10i tir B toi tredng. Tran 14 lut vira qua cdy cau bj ngdp nuoc, do d6 ban Hod phai di
" bing thuyen tte tha dén mdt vi td D nao d6 & trén doan BC v&i van t8¢ 4km/h sau do
di bd voi van tic Skm/h dén C. Biét do dai - 4
AB =3km, BC' Skan . Hoi mudn nhat méy gid ban.. .
Hoa phai xuft phat e nthA d€ 6 mit & trucmcr Tac 3 doie

7h30 phat sang kip vaohoc? R
CA.6h03 phat - B. 6h16 phut o
C. 5h30 phit- . '_' ~ D:5h34 phat

R R

iy ; &

5 dap

“ Bai 10: S(x) 1a dJ.E':I'l ’ach 1 mit citA dén mot hén dao ¢ C nhw hinh vé. Khoang cach tix C
- dénBla lkm: Bo bién chay thing tir A dén B véi khoang céch 1a 4km. T8ng chi phi 1ap
" dit-cho 1km. day dién trén bién 13 40 trigu dong, con trén dat lién 1a 20 tridu déng.
Tinh tong chi phi nhé nhat d& hoan thanh cng viée trén (lam tron dén hai chit s8 sau
ddu phéy) ' '
-A. 106,25 trigéu dong B. 120 triéu dong C. 164,92 tri¢u ddng  D. 114,64 tri¢u déng:
“ Bai 11: Mt con thuyen dang & ngoa1 khoi cach dat lién 120
km va céch hon dao 450 km Hon dao cach d5t Lién 270 km,
~Con thuyen can cap bén d¢ ti¥p nhién ligu rdi mang quaTét
ra dao. Quing dudng ngin nhit ma con thuyén d6 di 14
(lam trdon dén hang don vi) .
TA711km B. 584 km
C.623km  D.57%6km
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Chinh phuc diém 8, 9, 10 bai t§p tric nghiém Gidi tich

Bai 12: Ki thi THPT Quéc gia ndm 2016 vira két thiic, Nam db vao truong dai hoc Bach
Khoa Ha N$i.Ki I ciia ndm nhat gén qua, ki Il sip dén.Hoan canh khong dugc tétnén
gia dinh rét lo ldng v& viée c'fong hoc phi cho Nam, ki I d3 kho khin, ki Il cang khé" '
khan hon. Gia dinh da quyét dmh ban mdt phin marnh d4t hinh chix nhit ¢6 chu vi
50 m, 18y tién lo cho viéc hoc ciia Nam ciing nhuw tu’O*ng lai cia em. Manh dat con lai
sau khi ban 13 mdt hinh vudng canh bang chiéu réng ctia manh @4t hinh chiz nhit ban
dau.Tim s6 tién 16n nhit ma gia dinh Nam nhén duge khi ban dat bi&t gid tién 1 m*
dat khi ban 1a 1500000 dang. ,
A.112687500 ddng. B.114187500 dong. C. 115687500dong D.11718750()d‘6ng.
Bai 13: Cho mdt to gidy hinh chit nhat v&i chidu.dai 12 em va chidu }ong 8 cm. Gap goc
bén phai cta t& gidy sao cho géc ¢ dinh ciia néd cham vai day hinh v&. Khi d¢ dai nep
gap la nho nhat thi gid trj nhé nhit bang ST e

A.63 B.6J§+_6\/3 . , . ;
C.6V15-613 D82 o 0 o~

Bai 14: Mot miéng bia hinh tam gidc d8u ABC, canh bing 16. Hoc sinh Trang cit mét
hinh chit nhit MNPQ i miéng bia trén d€ lam bién trdng xe cho 1ép trong budi ngoai
khéa (véi M, N thudc canh BC; P, O 1an lugt thudc canh AC va AB ). Dién tich hirh
chitnhit MNPQ 1én nhét bing bao nhiéu? '

A 163, B. 8./3. S N A D. 34+/3.

Ki THI THPT QUO’C GIA LAN I TRUONG THPT CHUYEN PHAN BOI CHAU

Bai 15 Cho hmh thang cin 6 d dai d4y nho va hai canh bén deu bang 1 mét. Khi &6
hinh thang da cho ¢6 dién tich Idn nht bang?

A3 30’ Tp3Ba 3‘/_.

B.—-—é«-—m C —~—m D. 1t

DE THI THU THPT QUGC GIA MON TOAN SO GD&DT BAC GIANG - LAN 1

‘Bai 16: Muong nude (P) théng véi muong nude (Q), bd .
cia muong nudc (P) vudng géc voi bo ca muong

. nwée (Q). Chidu réng clia hai muong nuée bing nhau  v——y 7 2oL,
* va biing 8m. Mt thanh g AB, thiét dién nho khong o '
déng k& trdi tir muong (P) sang muong (Q). D dai 1én-
nhét ciia thanh AB (18y gan ding d&n.chix s6 phan : I
tram) sao cho AB khi trdi khéng bi vudng la: :
A.2326m  B.22,6Im C.2263m D.23,62m .

el Rl
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Bai 17: Mot trang chiz clia mdt quyén sach tham khao Vin hoc cin dién tich. Biét ring
‘trang gidy dwoc cin I8 trai 1a 2cm, 18 phai 1a 2cm, 12 trén 3cm va 18 dwdi 13 3em. Trang
 sach dat dién tich nhé nhit thi.cé chigu dai va chigu rong 1a:
A. 24cm va 16cm B. 32cm va 12cm C.40cm va 20cm D. 30cm va 20cm

LI GIAI CHI TIET

‘Bai 1: Chon A.

Muc tiéu
=

boi _
14dm 1

£
[/in;u niy boi thay thp
T m

Xut phit

Vén d& la chon thoi gian boi va thoi gian di bg sao cho t6i vu. Gia st d6 dai doan boi
1a £(la &n 8 ), va t6c d6 boi ctia chién sT1a v(hdng s6). Ki hidu m (hing s6) 1a 6 dai
doan song ke iz i ngudi chién si xut phat dén ddn dich, khi &y téng thoi gian boi
o 7 ‘ e 1447
va chay bd cita ngudi chignsi lar = £ + -nf—%ﬁ—iﬂ—u
R v
. _Jdrr_1aa2 ’ .
£ om-NEC 144" _lm(-zg et —144? )+ﬂ
v 2v T 2y b 2y

Dom, v & dinh nén thii gian dat cyc tidu khiham s8 £ (£)=20—¢° -144° dat cuc tidu

Tie1a g(£) =20 -€* - 144, £ €[144; +e0) dat curc tidu”

052963

Tf: béng bith thién ta thiy g(0)zg{96v3)=¢(0),, = 3(96\5 )

Xétg'(£)=2~

: Dét du*oél&ﬁ £=9643

24915 124 m-
=

m
+—

| Licnay thoi gian toan b budi chay la: 7 =

l o 2w 2v v 20
' B3i 2: Chon C.

|

£l

:

>
Yy v
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Chinh phyc didm 8 9, 10 bai tip tric nghiém Glal tich

Goi z lakhoangcachtuStouB K['udokhoangcacl‘ltu’Sthla 4-z (0 <z <4)

Chi pl'u méc day dién tlr A qua Sr6i dén C 1a: f ( ) 5000v1+ 2 + 3000(4 :a)

f'(z)=j%—3000_1000(5”’\/j__f: ) 0= a=

Bang bién thién = min f(s';) = f[g] =16000 khi z 2_2.

3
4

' . o , 3
Vay d€ chi phi it tdn kém nht thi diém S phai cach B 1a 7
Bai 3: Chon D. )
Goi CF=z.Khidé ED=p—2z
Khoang céch giita cac tharth pha' 1a

' | ‘l£ 6;1 :
( ) Vva? +32+r+1f42 6 - .‘L‘ o ri. R
.C

f'(z)=

Jz? +3"' \/42 6 I ’ ' A ﬁm

(z)=0 . g6 —eogr=—
f(x) Q\jmi +3 +J42:i-(6—$)2 i 7

Ba’mg bién thién suy ra min f (gg) = f(};J 7

© Vay d€ khoang cach gifra ha1 thanh phé nho nhat thi « = 18

Bai 4: Chon D.
b4t AB={ 1a chidu’ dai clia chi thang, HC’ 4m 1
cdt do, C la giao diém cuia cft 4 va thang; x 1a gde

}sﬁng

~ hop boi mit dét va thang (hinh v&). Ta cé:

AB=Ac+pc="lH T _ 4, 1
- SINT . COST " sinz  2cosz

4m

Xéthémf(.’l}): 4 +21 ,36[0,-;;] __'Kl.,.;-
s5Iinx COST . :

£ (x) __deosz | sinz _ sing’ —8cos’s
- sin’z  2cos’z  2sin’zcos’T
Tacé: f (:r:) >f (arctanZ) = minf (:c) =f (a'rc'tanZ) =~ 5,5902
* Vay chigu dai bé nhat ctia céi thang la 5,5902m .
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» Cach khac.
Géanhé truc toa dd Oxy véi K la gbc toa dd O, AK trimg vdi Ox, BK trimng véi Oy

Gia stz A(a;O),B(O;b):>AB:£+%=l. Suy ra AB=va® +5°
. . ’ a ’

“Tacb c(l;zq mi CedBo L4215
) 2 Z2a b 2a-1

) 2
Tacd AB=~Ja* +#* = a2+(2831}
a—

2a(2a-5)(44" +13)

(2a-1)°

; ' 8a
Xét ham s§ y = f(a) =&’
Xét ham s y fla)=a +(2a—

1] tacd f'(a)=

=0(!)

: 0
Taco f'(a)=0<| 5 .Dodd minf(a)= (2) 5\/_—5 5902
AN a=>
2

Bai 5: Chon A.
Phan tich: V& lai hinh vé thi ta c6 hinh v& don gian hoa thu' sau
Thize chit bai toan tré thimh tim x d&8 AC+BC nhd r_Lhat. 4
'I'heoldinﬁ ly Py't_ago tacod AC =607 +x2 ;
BC = /(120 —%)? + 407 = /x? —~ 240x +16000

. Khidé : P

f(x)=AC+BC= \/x +3600 +~/x% —240x +16000 . Ta cin im Min £(x) .
(0:12)

X x—120.
+ -
| Vx2 13600 Vx? —240x + 16000
-nhapvéo mén hinh bifu thic £(x) va &n [SHIFT[SLOVE| va chon mét s8 nam trong
khoang (0;120) &€ do ngh_lem nihwr t6i nhap 2 may rhanh chéng hién nghiém 1a 72.

B&m méy tinh sir dung nat TABLE ta rih@n thdy phuong trinh cé-duy nh&t mdt
. nghlem nay do f'(x) chi déi déu qua 72. Khi do ta c6 BBT sau:

Ta o6 f'(x)=

; khi b#m may tinh nhim bing cach

B 3 0 72 120

=)
S Mm ,

Véy tir d6 ta c6 thé két ludn CP=72,

95

CAREIOONRITIOPETISYPORIITITERS Dt SLUILIESRl SESUAL AT Iin FSUolIISASeSon LWL Silsa T T CURSRRMARL. -0 TPISLIS L0 T UL NATORNLATATESTSTUMALIINICEL  DMLIDeen L



Chinh pht_u: diém 8, 9, 10 bai tip tric nghiém Gidi tich

» Céch khac.

Phdn tich: V& lai hmh vé thi ta ¢6 hinh vé dorn gian hda
nhur sauw:

'Ihuc chit bai toan trd thanh tim x 48 AC+BC nho rthit,
Theo dinh Iy Pitago ta ¢ AC =+ 602 +x2

BC = /(120 — x)? + 402

Khi 46 £(x) = AC + BC =V + 60 + (120~ x)? + 40%

10-x

Ap dung bat dang thike Mmcopxky tacod f(x J(JH- 12~x) +(60+40)° =12* +100?

. Xay ra khi i=120_x

0 < x=72.Néncéch P 72km

Bai 6: Chon B.
Gia st nguedi 46 di bo tr A den D, r6i di duong thay tu‘ D dén C

Dit x=BD = AD=40~x, DB =x*+10° =¥’ +100 véi 0<x <40
Khi d6 kinh phi phai tra Ia:
- f{x)=3(40-x)+5vx* +100 v6i 0<x <40.
5x
VA +100 o

Cho f'(x)=0 < 3Vx* +100 = 5x < 9x* +900 =25x° x=§.

10km

C Tack: f(x)=-3+

Maf(o)zimo, f(4o)=50Jﬁ, f(§J=160 nén -[]rgialof(x):lﬁﬂkhi x==.

65 65
Khi d6 AD = B hay nguoi do phai di bd —lcm d& kinh phi it nhat.

"Bai 7: Chcm A,
Ki hiéu x la khoang cach tir chan ¢t thap toi chét buoc,
¥, z 12 46 dai hai soi day nhw hinh va.
Khi d6 khoang cach tiz chdt bude t6i chan CQt thiy hai 1a .
30-x.
) Didu kién 0<x < 30,y,z >0.Goidla tong do dai hai
sgidady. Khidd d = y+z ' chir

- Theo Pitago, ta ¢c6 x -|-122 = yz :)y = '\}xz_ +144, (30'"36)2 +28 =2 _
= y=vx? +144 +Vx* —60x+1684 (0<x<30)

. x - x-30
Tacé d'= +: :
. | Jx?+144 x? —30x+1684

28
12
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d'=06 xVx* - 60x+1684 = (30— x)Vx* +144
& x*(x* - 60x+1684)= (30 - x)* (x* +144)
' x=9
x=-22,5¢(0;30}

& 640x" —8640x—129600=0 &> {
Lép BBT tacé mind =d (9) ='50_
- (©30) -

Bai 8: Chon C.
Dit HE=xva KF = y, theo gia thiét ta co:
HE+KF =x+ y= 24

. Xét cac tam g1ac- vudng AHE va BKF, ta duroc:
AE =~ AH? + HE? =Jx* +25
| BF =VBK +KF* = [y? +49 -

Vi db dai cAu EF Ia khéng d8i nén a8 dudng di tir thanh phd A dén thanh pho Bl ngan
tthit theo con dudmg AEFB thi AE + EF + FB ngan nhit. Hay AE+ BF ngan nhét.

Taco P=AE+BF =X +25+)7 +49 v6i x+y=24,x>0,y>0
p=¥ +52+Jy 7 2 (mry)f +(5+7) =1245

Daubangxay ra khi va chi khi -5—=-7— suy ra x=10,y:14 nén AE = 5+5km.
Bai9: Chon A, ' _
Goi BD = ka DC= ykm : 4
"Khi dé BC=BD+DC = x+y=5-
Xét tam gidc ABD vudng tai B c6:
AD= 4B+ BD* =/x* +9

§ bne

. . e . Nx 49 J \
Thoi gian ban Hoa ditlr 4 - D14 fA_,D=Th. B 2 ¢

Thoi gianbanHoa ditr D—>C la 1, = % h

Khi d6 t8ng thai gian ban Hoa di tit nha d&n truedng 1a:

x/x+ y ()Hx+ S-x

5
7 2 +9 5 x :
Xethamsofx L6 f! ——————f x)=0& 5x=44x"+9
R Rt rerrs (=0 5x=lF
e x=4.
Dya vao bang bién thién, taduoc wmin f (x}=f (4)— —87 phut.

Do d6 ban Hoa phai xudt phat mudn nhat tir nha luc 6h03 phit d€ ¢6 mit & truong
It 7h30 phiit. '
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Chinh phyc diém 89, 10 bai tip tric nghiém Gidi tich
Bai 10: Chon D. o o
Dt MB =x khid6 AM =4—x vi MC=vMB? +CB? =vx* +1

-~ Khi dé chi phi néi dién tir A dén C1a £(x)=20(4~x) +40Vx’ +1
0x X 1 1
e =—<3 X =——=(km
\/x +1 il 20 \/3( )

. _ o . o
GTNN ctia f(x) dat dugc khi X = 5 f[ﬁ) =114,64 (triéu dong).

Ta cé: £'(x) = ~20+

Bai 11:Chon D.

- Thuyén & vi tri A sé di dén E (dat lién) va di ra dao C. Bai toan yeu c&u dan fim GTNN
cla quing dudng AE +EC. _ .

- Chuén héa 120:450:270=12:45:27= AB =12,AC =45,CD = 27.

D3t BE =x,x>0 . Tacé BD = JAC* ~(CD~AB)’ =30v2.

— ED =30v2-x = AE+EC = Vx* +12° Jr\/(:so\_/i—x)2 +27°.

Xétham s8 f(x)=/x? +12? +\/(30J§—x)2+272 véi x>0
L x=30M2 Fx)=0e _1202
+144 |y —ﬁofx+2529 13

._ Tacof(x) \/ -

Do d6 min f(x)=f [12?;/7 9441 = 57,6.

1 1-Xx
.
T .
i

|

Bai 12: Chon D. : ,
Dién tich d4t ban ra cang Ién thi s6 tién ban dugc cang cao .;
Goi chiéu rdng va chidu dai cia manh dat hinh chx nhat |
ban dau Ian luot 1&: x,y(m),(x,y>0) - ' 'o-----;,«f-mlm»-»«;:;
Chu vi méanh dét hinh chit nhat ban d4u bing 50m =>2(x+y)=50> y=25-x
‘Bai ra, ta O ngay manh dat dugc ban la mot hinh chix nhat c6 dién tich 13:

25 ] 625 _ 625

= 25 25%x-2x =~ 2| +-<——=78,125
S=x{y-x)=x(25-x—x)=25x-2x’ [x ) s A

y

[ S ——

\ 25 - 75
D&u "=" x4y ra khi x\/—Z-———-0<:> Toy==
Y W2 4 77T

Nhu viy, dién hch dat dugce ban ra 16n rthat 78,125 m2,
Khi d6 s8 tign 16n nhat ma gia dinh Nam nhin du’qc khi ban d4t Ia
- 78,125.1500000 = 117187500
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S . Ki hiu ¢ac canh, cac dinh nhu’ }unh vEé ben

MNvabangMN x +y° (cm).

" Dién tich hinh thang Ia:

Ba1 13; Chon A

"Dt CN=x{cm) va MC = ylcm). DS dai dudng
' gap khiic can- hm d‘unh 1a d6 dai doan thang

- DethayAMCN AMHNnenMC MH=y, NC=NH=x.
(301 K 1a hinh ch1eu ciia M trén BD =»>MK=8 =HK = \/y —64,

Ma HD = \/HN2 ND? = J7 —B—x =165 64 =4x—

=>KD=y= HK+HD =y - 64+4Jx 4o yofy —64 = 4Jx 4 Q). -

<:>— 64 =4 4<:>y+\fy 64—: 2. 4

y+qy 64 \fx—-4‘
Lay (1)’+A(2) :>y= x Dodé MN =3+ = x* + x 9] x
N S x—4
'Du"..- A~-_- . _-4):2-: 8 54 | o _
i 0= i

(e f'(x)¥2x+4—6‘—'4'2; f'(x)=(x+2)(jc-—4)2 =32 x=6
: ' (x—4)

Suy ra min )= F(6)=108=> MN?, '=108= MN,, =63.

Bai 14: ChonC : .
Dat M X, (0<x<16):BM—M—_xétm60°=%3QM=£(16wx)
_ A BM 2
NEN 3

Xét'hémsa’ S(x) :Tx(lé—x)=7(—.xz +i6x):JmaxS =323 khi x=8.

K THI THFT QUOC GIALANI TRUONG THPT CHUYEN PHAN BOI CHAU
B 15: Chon. c. '

'Gmcacdlemnhulm'lhve ADC ae( 2:| va DA=AB= BC EF=1

Ta c6 chigu cao hinh thang 13 &= AE = AD.sine =sina A B
Day lon DC=1+2DE=1+2cosa.

S ;—;—(AB +CD)h = (1+cosa)sina = sina +%sin2a

M - — -




Chinh phud di€m 8, 9, 10 baj tap tric nghlgm G1a1 tmh

Ta ca: S' —coso:+coszar 2005 a+cosa I=0

@cosae{—l;l}scosa=1:>a=-—- (do ae[o;f])
. 2 2 3 2
33 7 _
LNCOS(O) OS( ) J— ( ) 1. Suy ra gi4 tri 16n nhat cta S=¥.

PE THI THL’T THPT QUOC GIA MON TOAN SO GD&PT BAC GIANG - LAN 1
Bai 16;: Chon C. 7
D& thanh AB c6 dd dai I6n nhat thi AB di qua O.
-Dat BOx =a suyra AO_y =90°-a _
Khi dé OAsin(90°-a) =8 va OBsina =8
- P& thanh AB di qua duge khiic song thi

Suyra'ABSABmin=( 8 + .8 J
o coso.  sina J
Xét-A= 8 + _8 =— 32

cose  sine  sina+cosa

La1cosma+cosa \Esm(a+ ) \/—

Nén A_ =163/2. Vay AB< 16J_ 22,627.
Bai 17: Chqn D.
Goi chidu dai va chitu rqng cta trang sach lan legt la P (cm) va y(cm) trong dé:
| x>6,y> 4 :
Chiéu dai ctia trang chi la: x—3-3=x— 6(cm)
Chiéu rong cia trang chit 1a: y—2-2=y- 4(cm)’

Khldotaco (x- 6)(y 4)= 384:>y=_is_4€+4

384 6 - :
D1enhd1trangsach1a S= Xy=x 38 (x ) 3846+4( 6)+24
x—6 x—-6 x—-
2304 ’2304
-6
S, = 2304 2576 x = 30:>y—600—20

30
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Phan 3:

| CAS]O })E GIAI CAC BAITOAN LOGARIT

Tim TXD cfia ham sé

Cau 1: Tép xéc dinh D ctia ham s§ y =v2x -1 +1n(1-x%) 1&:

Al Dr=[—1;1] ] B.D =_[1;+oo)r C.D =[_—1;%} _ ' D.D =[%;1)
Giil
_ Chon D. . _
_ _ 20-120 |x» 1_ 1
- PKXP: N = 2 S-gx<l=>D= E;1 .
_17—X >_O lex<l 2

» Cach 2: Diing casio nhu sau: dya vao nguyén tac, x thude tip xac dinh thi bam CALC
 ragid tri cu thé, con néu khéng thudc thi s ra error.
"% Nhip bifu thire nhw saw:
VINRICEIL: S70ES PLOS I ' VINRCRAL: S2ae8 PLUS I
wanme et S LA
R i e
7%-1 ﬂn( 1-¥2) Math ERROR
EAC] :Cancel
_[410»1:G0L0

" Do 1é day déu cd & cac dap an A, B, C nén mudn thiz xem nd ¢ thudc khong ta bdm
.CALC v6i 1. Nhan dugc két qua Error, loai A, B, C.
Ciu 2: T4p xéc dinh D clia ham s8 y =In{1-cosx) la:

A.D=R\{kn},keZ B.D=R\{k2r},keZ.
_qp:mx{;:%},mz. | D.D ={k2r}, kL.
o Gidi:
=~ Chon B. o

- DKXD: I—CQSX>0®cosx<1¢)x¢k2ﬁ,kez.
» Céch 2: Nhip bng may tinh ham s8 nhu sau:
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Chinh phuc difm 8,9, 10 bai tap tric nghiém Gidi tich
VUNINCEIL: S70ES PLUS I ‘ VINRCH. S7ES PLUS T
WY T IAAKLE WU T TAK MLARH )

1n<1—cosc?m| ™ IndcosGn T
| .8

B&m CALC, chon x =90° cho k&t qua nhu hmh nén loai dap an C
Bam CALC, chon x = 180° cho k&t qua nhuw hinh, ttec [3 x = 7 thda mén, nén loai dap

an A, )
‘ - VIN}IC“IL- STES-PLIS I ]
) . B wma
1In(1l-cos(x))
0.6331471806

Duong nhién loai du’oc D ngay, vi véi x =0 thi cho két qua nhu sau

!ianmt-. SIES PLES 1T
-

’ 7 S Wath
Math ERROR
LAC) :Carcel
[41l#3:Goto

s : g A o i
ao ham ciia ham s6 Mi & Logari

Cau3 Daohémcﬁahémsé'y-—-\/ZX—1+ln( Xz) .
1. 2x : \ : 1 2% '
A y'= + B. y' -
P ol 12 - , 2V2x-1 1-x :
1 2x . 0. . 1 2x
C. ’= - - . D_ ':.' —_
| - 22x-1 1-x° - S e 11X
- L Giag |
Chon D. :
2 —-ZX 1 2x

T - i
ack y's “J2x-1 1 x° sz-i 1-x°

» Cach 2: Dung casio: .
* Nhip ham s8: bgm = VZX—1+IH(1—XZ)

Nhé-cho x = 0,75 nhu saw:
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VINNCAL SESPLETH
scxmart Cezinton

4n(1 =%2) 2z, 75l

Vi sao ta 18y O, 75:vi gia tri nay trong TXD.

Tasé du‘UC kEt qua. VIRTRCRL TS AISY

-“mHHMw
-2.014357866 r ran Ay

B&m lueu k&t qua nay thanh bidn A nhu saw =5 =

VAT 5008 PSS T -

prmm g e - o
S(ET+1Ink1-# ans+h

-2,014357866 -2. 014357866

S T
Eﬂm =25
@@w@@

2x

2 (Nhé 14 cho X =2)

- Tignhanh thit dap an D, ta sé ldy: 4 —
ién ap an D, ta s€ 1ay 2J—~_ .

Trudng hop nay cho két qua bing 0.Chon D.
Céu 4: Dac ham ciia ham s8 y =In(1—cos x)la:

Ay —sinx B. ,V"= sinx C y= si1_1x D. ' ,: —sinx
: 1—cosx 1+cosx 1-cosx 1+cosx
Giai:

Chon C.
(1—cos X) sinx

» Cich1: Taco y— .
1-cosx 1l-cosx
» Cach 2 Nhip biéu thirc vao Casio, triede tién ta phai bdm ché& d6 may tinh sang radlan

béng cach: shift mode 4

Ya s R Math &

ld—lilnlil -cos(R) ¥ fx=ﬂ+2_

Tin hanh ti&p 1 nhap him s5; 0
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. Chinh phyc diém 8, 9, 10 bai tjp tric nghiém Gidi tich -

VIRRCAL SRESPLIN Y
W A

R
: dx(In(l £0s(X)p
i 1
Luu két qué vio A nhu sau: bdm ship, sto, A.

VINNCAL: $%55 PLEX N

VR s

a L LT

Ans»A
Thit dip 4n A (loai) Thir dipin B Thir dap an C Thir dap an D (loai)
VENRCAG TREN PLUS H VANROAL- s FLes iy VINRGL 57968 LIS I VINnml S78EN PLUSIY
. ’ |l Eth & ’ o n [ | ﬁ.n:‘ . R T ’ Il\hl
feSintns2) f Sinn+2) - Sin(ns2) A+ Sm!ﬂ-ZJ
I~cos(n:Z] 1+E05 (=2} ﬂ'z-costn+2l o 1+cos n=Zj -
o2 . Bx@ts _Bxals 2

Quan sét ta thay rang ¢6 B, Ccé 5 két qua gidng nhau va sats8 0 rlhat vay ta can thiz lai
{an nita, lin nay do ta khéng tinh t& @& chon gia tri CALC X, néu ta chon x = w/2 thi
mAau $8 hau nhu gifng nhau, chon x = n/4 thi s& cd két qué khéc.

Lam lai véi x = m/4 16i hru vao A

ot L e

o wmina : B wanid
(lntl—cos(XJ b ANSA -
... 20414213562 2.414213562
Thir ddp an B. a1 ® i ThirdspanC. N
o aselg) i Toos(T)
X
reesld 2 31436092
DapindinglaC. o . -

Bai toan yéu cau vin dung céng thirc nhumg 6 thé gidi nhanh
bing Casio

Céau 5 Bién 601 biéu thirc dudi dang lity thita véi s6 mii hiru t \j Yx (x 20).

A. x” : ‘ B. x"ﬁ; _ ' C.xz D
. : Gidi: o '
‘Nhap Bam CALCX=2 - Luru sang bign A
S 4 : AnsA .
R R
1458307077 - S 1. 45830?077

. Thircacdap an, -
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Dépa’nA‘ T "=a ) uma.'.
: ?

-0
Thay dung ludn két qua bang 0 (khi ganx= 2)
O Bai toan 2 bign: .

15 , 413
a”+b” 0505

‘ R a 0.5
Ciu 6 Don gian bidu thite <o+b% 2 (a,b20;a=b)
' - a—b 05 508 PO
A4 B.3 c.2 D.1
' ' ‘ - Gidi:
Bal hay ta nhap ham 58 voi blen lax,y. HoacA B.
45 pls 05505 _
W - A"E ., 2 Bo5 . | - VINRCAL mﬁ”'u”i..-m....m:
A_B AO,S +B0.5 ‘ ' . e e . a - ath
CALCA=2,B=3.Chogidtlal. - A0-540:F T}
Tiép tuc CALCA=2,B=5, vin cho gia trj 1. ' 1
Viy ta chon D. '
0,5 05 05 ;
. s - ar+2 ar”=2]a”+1
Ciu 7: Don gian biéu thiec - . a>0a#l
gl . (a+2a0'5+1 a-1 J ™ ( ‘ ) .
Al 2. : B.L C. 2 D. !
ca—1 a—1 “l—a 1—a
- L Giai ' -

X%42 _XO‘S—Z] X%
x+2x% 41 x-1 ) x%
* Budc 2: B&m CALC chox =2, i lu'u két qua (shlft sto, A)

* Bubcl Nhap bic thitc [

. lh%h L )la!h 4
: [ %0.- 54z ﬂ_xﬂ qp © finsA -
®+2x0. 541 B-z ' :
LR B P P 2
* Budc 3: Thucachleu A— 2 JA— ! ;A— 2 sA4— !
! . 2—1 2-1 i-2 -2
} o - _._;-,_.-h . T woth 4|
. A-z=T )

Ta dugce két qua A— 2—{1—] ={0.Chon A.
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.’ Chinh phuc diém 8, 9, 10 bai #3p tric nghiém Gii tich

CONG THUC LO_GARIT.

Céu 8: Cho log, 14 =g, tinh log,;32thec a

1 1 - 3 - 5
a-1 " 2(a-1) - 2{a-1) 7 2(a-1)

“A.L

* Btté’c 1: Nhép biéu thixc: log, 14 =a,
Sau d6 ta Iveu sang A.

2 Math &

~ Ahs2A
. 8.807354922

log (1)
o2 8.807354322
Tiép tuc nhap biéu thic log 2932

Sau d6 lwu sang B.

1094a(32) tnssm
08805179678 - 0.B90517%678
Tién hanh thit nhu sau: |
ATl Bmo o (e BoEmn o pogifon) o)
. 0.b343l07e07 N 0.7124143742
3 © O logl) Dot

. . 3 K h Vn;nu:' tht’)a
zwan&qua 2(a-1) é&fﬁhT >

o _.0.3562071871 man.)

ChonD. o
x : o , 49 -
Cau 9: Cho log,; 7=a;log, 5=&. Tinh 103%/5—8— theoa b: -
A.]2a§_9_' . B.J2a-% C.9a—126 - - D.l2ab—9a

Gidi:
* Budc 1: Nhap log,s 7101 luu vao A.

T RS EAY RR  LI L A Y Ao,

Wtha

 109,5(P) Cpnesn T
__0.B04530977%6 .- . 0.8045309776
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. Budc 2: Nhap 1c>g2 b roi hru vao B.

- s

102,(5) - CansB
2.321928035 ..2:321328035
- 9__,Buo'c 3 Nhap logJ— —9r01 lu'u vao C.
’ . - E R ua“:’*‘-‘ i - . AE . iaa..nr‘-‘
' 1093 A8 fnseC
3 378282708 - 3.378202708
TlEl‘l hanh thu cac dap an. )
. ]2 b 9 E - - 'ﬁ.. Math & . .
] A..—6!:- 'C—EEB-'?—‘E," ' Chon A.
. b :
' ) 0
e e
: ' y E—12P|+SB | '
' B.12a-9 - . (loal).
7 1702126888 (loat)
| eyt
C.9% 126 - ' {loai.)
- 25. 80064105 =
. B BB Ii{ll .I
‘D..12ab— S_’a C (12":' (1031.)
' - "7.43150605 - '

' Thucrng thi ta thu' den dap an nao dung thi ta du*ng lai tai d6. Bai todn nay rit may
i - - méntathdy luén dap an A & ngay lan thir dAu tign.
o Cau10:Cho a = log, 20. Tinh log, 5 theoa:

a-—2 2% -2 a+1 a+2

" A‘:Vl?g-zuf) i’T B .B' log,, 5= — C.log, 5= - | D.log, 5= S
Giai:

" Luu log, : 20 vao A bing cach SHIFT STO A. Nhip vao may tmh
- PédpanA: log, 5 —%* =0 :>Chon A,
- Cau 1L: Cho a =log, z vdi a, X y >0,e=1 vam ®eR sa0 cho y=a"z". Tinh
log_ytheo a:
Allog y=m-2na - B. log, ¥ = 2m + 3nx

~ Clog,y=m+na D. log y=m—-na
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Chinh phyc diém 8, 9, 10 bai tap tric nghiém Giii tich

Giai:
z=20 - '
a=10- |y =200 N
Ta chon: mel = {a —log20’ Nhép vao may tinh:
n=1 ' ' 7

- Dépan A: log200 - 1-2.1.1og20 » 0 =>Loai A.
-~ Dap an B: log200 ~1-1.log 20 = 0 = Chon B.

ma —

Cau 12: Cho a = log 392, b = log112. Gia si log7 = v6i m, n 1 cie s§ nguyén
. ’ n
khéc 0. Tinh m +n =? .
A4 - B.5 ce D.7
o Giai:
Luu avao A, leu bvao B, lueu log 7 vao C.
mA—SB i ; .
Tacdhésaw: =~ o - @C—M=0 v0i D14 1 trong 4 Gap 4n.
m+n=Den=D-m D=m '
i N XA~3B . oo N
- Thiz v6i D = 4. Nhip vao mdy tinh €' ————— r6i SHIFT SOLVE = nghiém xfu =
Loai A. _ S o
- Thavdi D=9, SHIFT SOLVE thi ta dugc X =4 =Chon B.
Cau 13: Cho a =log, 12, b = log,, 24. Gia six log,, 168=M voim, n, k la cdesd
) meé + nab
nguyén khac 0.Tinh m+n+k=? : . '
A3 - - B5 S Cc4 - DT
_ _ ‘ Giai:
'Lu’uavéoA, hru b vao B, hru log,, 168 vao C.
. __AB+k . AB-n~CnAB+D . .
Ta ¢6 hé sau; mA+nAB C DM e voi D la
' m+n+k=Dok=D-m-n : C‘_4_+1
ltron_g4dép én._Vo"ir_l=X,m=F(>é): - : o _
o | \ AB-X-X.ABC+3 |
- Thir v6i D = 3. An mode 7 nhép ham F(z) = Start -9-= End?

CA+1
9 =Step? 1= ta duge bang nhung khéng c6 gia tri dep = Loai A.
- Thir v6i D =4 thi ta thiy x = -5; f(x) = 8 =Chon B.
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[Dang 2: Chon ding thirc luén diing véi biéu thitc cho triedd

Cau 14: Cho cic s8 thuc duong a, bthéa man o’ +b° = 7ab. Hiy tim déing thic lusn

diang? . B

A. log’(a;bJ = }ogaglf)gb B. Iog(a;l-b) =loga +logh

C.Iog a+b|_loga+logh . D. log(a+b)=loga+logb+l
: g 4 . 2

Giai:

7+3\/5

Tu’bleuthuca +bg—7ab tachob=1=a= :

rdi luu a vao A béng céch SHIFT :

STO A. Nhap vao may tmh (ChQI‘L 50 b ducmg b&t K sao cho phirong trinh bac 2 8n a ¢d
nghiém duong):

=0 =Chon A.

- Dép an A: log[A;—lJ - 1OgA; log1

“Cau 15: Cho céc s6 thyee dur(mg a, bthéa man o’ + 9b% = 10ab Hay tfim déng thite ludn

© dung? :

: i . fa+3b
‘A log(a+b)+loga+logh=1. B. log| — = | = loga + logb
C.210g(a+3b) = log‘a +logd , D. log(a 231)} = 10ga'-21- logh

Tt bidu thitc o + 95° = 10ab ta tho 'b=1 = a = 9. Nhip vao méy tinh:
- DapénA: log(9+ 1) +log9 +log1 -1~ 0,95 = Loai A,
- Dép an B: log(9 +3.1) ~ log9 — log1 ~ 0,12 => Loai B.

- DépanC: 2log(9+3.1)~log9~logl ~ 1,2 >Loai C.

- PapénD: log(9+43'1] - 1°g9;I°g1 — 0 =>Chen D.

5

" Cau 16: Cho céc 56 thuce 'dtfo"ng. X, ythoa mén zy = . Hay tim dang thike Iuon

_ :z:+y
" dimg? -

=ty ' +y" | ¥, 3 2, 2
A.log( 27y —2log :rTy wlég(x +-y )+log(:c +y)
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Giii tich

2 2 3 i
B.2log rry - log i jg =2
Tty } 2ry

z-z +y2 . :cs +y:) ]
. C.log[ 22y +4log ,=1+10g($y) :

T+Y
o 2, 2 s oaY
D.log £ry +log Z jg =0
T+ Yy 2ty

. - 5 5 .
Ti bidu thire zy = f‘“’ *Y_ tachoy =1 13i SHIFT SOLVE tim nghiém = z = 1
T+y , . =

o Nhip vao méy tinh:

Giai:

‘ x 1P +17 r+1 ER | '2. 2 ’
- Dap_anA. log(2.12.12J—210g( e J—log(l +1 )—log(l +_17)#0
= Loai A.

(12+12) 141 ' '
- BPépan B: 2{og] - | =logl ——— | =2 # 0 =1.0ai B.
“epan R g( 1+1J g(g.m‘z} - '

B

s 1P +1%) 7’ +17° o
- Dapan; log[2—J+4log[ T+1 }—l_flog(l.l)fOSLoal-C.

1-2_*_12 1+ 1%
- Dépan D; log|- +lo =0=Chon D,
pen ._g( 1+1] g[zm‘z] T
Céu 17: Cho cac s3 thuc duong x, y, z thoa man 7 +yf+2 = 24($+y)(y+z)(z +$).

l Hiy tim ding thirc ludn dimg?

A.log(f%] =log (z + y) +log(y + z) + log(z + z)

B.log[w +g * z] - loé(x'+ y) + log(z +Z)Tklog(z + z)

-C.3log{x+g+'q _ log(z-r-y) +'log(§+Z)+log(z+x)

D-310g($ + y.+ z) = lpg(:z: + y) + log(y +z)‘+ log(z'-l-_ :c_)

- 5 L Giai: o

" “Ti bidu thite & +yt+2 = 24(:; + y)(y + 2)(z +) tacho x =1y =1 15i SHIFT SOLVE
tim nghiém = 7 = 49,94... (ta chi 14y nghiém duong) 1di Iuu z vao A bing cach SHIFT
STO A. Nhap vao may tinh: | : : ‘
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- E)apanA .“108[%]+log(1+1)+iog(1+A)+log(A4_-1) 0

= Loai A.

1+ 1+AJ rlog(l +1) +l°g(1+‘4) +10g(A+1) =0 =Chgn B.

3 -3

% Cédc cong thitc logarit quan trong
1. log,(bc)=log, b+log, ¢

2. log, (2) =log, b—]qg; ¢

3. log, b” = alog,, b{chi y dén o chin khi dé log,, p* = alog |b|van de nay nhay cam,

cic em rit hay nhim Ian)

Jog ¢
4 logb c= loga p =log, b.log, c=log, c

a

5. log, b=

log, a

6. log . c= iloga ¢
74

CAC BAITOAN NANG CAQ

Bai1: Véix, v, z 1a cac s6 nguyen duong théa man xlog,,, 2+ 108, 3+ zlogzmﬁ 7=1.
Tinh gia tri cda bidu thiicQ=x+y+z. _
A.10 ‘B.2017 Cs8 "D.2016

Bai2 (S& GD-DT Ha Noi): Cho hiam 3.1 (x) =e [1+ 12+( 11)
. +

m

Bigt ring f(1)./{2)..f (2017) e” v&im, nla cac s§ ty nhién vaZtsi gianTinhm—r’.
1

Am-n'=2018  Bm-n'=l Cm-n=-1 D.m-n’=-2018
Bai 3: Chox > 0,x # 1 thda man biéu thizc L, 1 bod— =i
s log, x 10g3x ,lngm'r X
Khéng dinhnio sau la diing?
Ax= .-.2—0}1 B.x:2017M Cx=2017 , DxM=2017!
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Chinh phuc digm 8, 9, 10 bai tap tric nghidm Gii tich

X

Bii 4: Cho ham s6 f(x}=9f—+3,keR véhaisé’a,ﬁthéamén a+b=1.Tinh f{a)+f(b)

Al . B1L - Ca . D2
ey & 2Y (100}
Bai 5: Cho ham s6 f (x) = ———. Tinh gi4 tnb1eu thitc A=f| — [+ = 4..+f] —
4" +2 ]00 100 100 /.
A50 B.49 2. 30
3 ‘ 6

Bai 6: Xét hai s8 thu’c ab thoa manl>a>4>0. Tim gid tri nhé nhat Tmm cua biéu thikc
sauw: T = log,,b-f-log‘,,5 _
khéngtontai C.T,, =19 D.T, =13

A 2-i;nin =16 B Ir'nm nEn min
41
Bai 7: Cho ham sof(x)— -
2 (2014

Tmhton S= + f| ——|+..+ | ——

& f(zms) f(zms] f(zms]
A2014 " B.2015 C.IOQS ) D.10_07

LSI GIAI CHI THET

Bii 1: Chon C.
Ta cé: x1085016 2+ ¥108,0,5 3+ 21085005 T =1 & log,y 27377 =1 &5 27377 = 2016
BAi todn tré thank: Cho x, p,z 50 véi 2°.3.7° = 2016 = 2°.3.7 |
' -Suyra:Q=x+y+z=5+2+1=.8
Bai 2 ($¢ GD-DT Ha Néi): Chon C.
race 1o (1L L e
X (x+1) x x+1

11 I+£-l+_.a-' ! ! +1 ! ! ) 2018———

'f(l).f(2)...f(2017)=e[l+‘ FMA 37 a0 207 0T 2008/ _
Vaym-—n* =(2018? ~1)-2018" =1 '

20!8

Bii 3: ChonD A )
Tacé M =log, 2+.. +logx 2017 =log_2017!

Vay x* =20171.
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Ba14 Chon B.
.- Phuong phép: Chuycong thufc a"a"=a™"
b 9. 9b+3 +9° 9a+3 3.9% b
Chan gt fa)s ()2 P (°+3)+9°(9°+3) 9439 +9+39"
N 9a+3 P43 (9+3)(9°+3) 9+3.9°+9+439
> Ba15 ChonD ) ' -
. 4* . 4!—7(
Ta cé: f(x)+f(1 x)-4x+2 e

- ra
Dodé A= f( ] f[i)+...+f(199]=f(L]+f( 99] fL—-2~J+f £]+
100, {700 100, {700/ 700" T 300" L T00
7 +f(4gj f( 1Y >0 ]+f[100] 49+f[ J+f(l)_—3—o—]
100 700 )" T Lioo 00 3

Bai 6: Chon A. -

Tact: T =log2b+log,, a® =log2 b+ 36log,, a log P
‘ ) log, {ab)
Uoglbr—00 g +1—3§—(v6’it ~log, b).
. ST

l1+log, b
Do 1>a26>0 nén f=log, b>log, a=1. Xét ham s& f(t)=t2+% lién tuc trén

{3+0). Ta cé: f'(£)=21- 36 i 204487 420 - 36

: “‘(t+1)' 7- (t+1) '

f{)=0r=2

IR 2 +e0
fw - 0 +

) 19 - ' oy 00
At _\16/-%

Tix bang bién thién trén thay réng T, =16.
Bii 7: Chon D. :

, A g 2 '
Tacé f(1—x)= - - 1-x)=1
2c6 f(1-x) 44D 44247 244 = f(x)+/{1-%)

N (2014) 2 2013Y 1007 w _
Do d6 f(zmsJﬁ(m]—l,f(m)*‘f(ﬁ]”T""’f(zoﬁ}rf(zcnsl_

" Suy ra S=1007
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Chinh phuc diém 8,-9, 10 bai tip tric nghxem Glal tlch

PHUCONG TRINH, BAT PHUGNG TRINH MU

PHUONG TRINH MU

DANG 1: DAT AN PHU.

© Ta thuong tdch bién d€ 4t an phit (viéc thch c6 thé thuc hién bang cic cong thitc
hay diing). : :

7 =g a" ' , g™ = : ar -__(‘.’m)" =(an)'"

Thurdmg trén mil sé c6 dn X Vi 0"ty nhién, ta s€ tim cdch tdch s0'tw nhién dé ra. Vi du dwoi
diy gmp cdc em hiéu vih dé ro hon. .
Déi khi, chiing ta tdch bing cich chia cd 2 vé cho mjt bzeu thite mii. (Bai 3)

b>0

+ Voia>0anl: o =be
. ‘ x=log,b

¥ Voia>06=1.a’® =0 o f(x)=g(x)

v Dang 1: F(a’®@)=0. Ta dit t=a’"?, ¢ >0 75i gidi phuong trinh theo t.

v Dang2: 42> + B.(ab) ™ +CH* ) =0 ta tiéh hinh chia roi duwa bi todn vé dang 1.

Ciu 1: Tong tt ca cAc nghidm chia phurong trinh 2 -9.27* +2%"% = 0 bing:

A.4 - B2 - C.1 - .. D3
Chu 2: Phuong trinh 2 —6.2" -ﬁef %3 =1 ¢6 bao nhiu nghiém?

A2 B3, . c4 D1
DANG 2: CHIA ROI i)ér AN PHU

0 ddy phuong trinh xudt hién 3 co s6: A% AB;, B chung ta nght dén viéc dung phep_
' chin cho B? d€ tim dn phy t = A/B phil hop. :

Céu 3: Tich t&t cd cac nghigm cia phuong trinh (J7 + \/4_8) (\/7 ) =14bing;:

A2 , B.3 C.4 D.1
Ciu 4: Phuong trinh -(5 -V21 )x +7 (5_+ V21 )x =2 ¢6 mét nghiém dang loga; (8- Gidtri

ctia b bang: _
A2 - BY - C.4 D.5
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DANG 3: BAT AN PHU KHONG HOAN TOAN

Mot 58 bai todn sau khi dit it fin ph ta thiy vén con x. Kk a6 ta 5% tink delta dugc dang
bink phuong.(vi con x nén ta goi 13 diit dn phy khing hoin toan).

Ar +Bf(x)t+Cg(x) 02 ddy t=a’™, 1>0). Khi 6, ta tinh A= (mx+n) bigy dién

t =l ta s fim duwgc phicong trinh dang o’ = mx+n(*).

'Vin dung hiam dan digu € gidi phueong trink (). ' |

Céu 5: Nghiém cta phu’dng trinh 25"-2(3-x)5" +2x-7=0:

- Ax=2 . Bx3 Cx=4 D.x=1
Caun 6: Phucmgtrmh 32577+ (3x~ 10)5*2+3-x=0 cé bao nhiéu nghiém?

A2 Bl . C3 - D.4

- DANG 4: HAM 5O

Bdi todn sir dung tinh don diéu cita hdm s6: fix)=g(x) (1)

¥ Trudng hop 1: Néu f(x) = a ddng biéh hodc nghich biéh, a Ia mgt ham hing s6'thi phiong
trinh ciing cd nghiém duy nhit.

4 ano'ng hop 2: Néy ham f(x) dong biéh, g(x) nghtch bién vd x = a li. nghiém thi phwong
trinh s€ 6 nghiém duy nhit x =a. :

v Truwong hop 3: Néu ham f(x) nghzch bign, g(x} dbng b:en vix=ald nghiém thi phuong
trinh s€ c6 nghiém duy nhitx=a. '
Ky thudt gidi bai todn clang nay: Khi dua vé dang fix) = a, dbi khi ta pha: chia bigu thire

chu’a mil af 0 v thu’cmg chia cho bteu thikc ¢6 co s6'a lon nhit.

Ciu 7: Phuong trinh 2+ 2 = (x- 1)2' c6 bao nhiéu nghiém? -
A2 - ‘B3 T C4 D1
Céu 8: C6 bao nhiéu et lugn dang?

(1) Pl_mong trinh (2-43) +(2++3) =4 c6 mdt nghidm.

? (V3-42) +(3+42) = (J§ )x ¢6 nghiém duwong.

(3) Phuiong trinh (3+242)" +(3-2v2)" =67 c6 hai nghiem.

A2 B.3 C.4 D.1
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- Chinh phuc diém 8, 9, 10 bai tip tric nthem Glal tich

DANG 5: BIEN DO] THANH 'l'lCH

Trong céc bai todn phuong trinh mi, c6 cic bitu t}ui'c £i0ng nhaw, chiing ta sé tim cich
nh6m chiing lai € dugc phuang trinh tich: fix).g(x) =0

Ciu 9: Phuong trinh 4x% +x. 35435 223557 42546 <6 tt ca bao nhidu nghlem

nguyén?
A2 ' B.3 C.4 D.1
g logy x —yJog, x ' )
Céun 10: Phurong trinh (2+\5)0g +x(2—x/§) * 1+ x? ¢6 bao nhiéu nghiém? ‘
A1 B2 . GO D.3
Céu 11: Tich tit ca cac ng}uem ctta phuong trinh x?.3" +J|c(3Jr 29= 2(2‘ 3" )
A2 B3 C.-4 | D.-1
Céu 12: Téng t4t c& céc nghiém ctia phuong trinh 227 2" ~ 229 3+ _1 ) ping:
A2 o ' - B3 C.6 D.0
Cau 13: Phuirong trinh-12.3° +3.15° — 51 = 20 cé nghidm dang a+log,c. Tinh a+b+c
(biftc-b=2)y , _
A7 ' BS C.9 D. 10
Cau 14: Téng hop tét c céc nghiém thue cta phwong trinh -
(4 =8f + (2 —64) = (4* +27 —72) béng |
A B.2 - cZ D.3
o . 2 2 :
LI GIAI CHI TIET

DANG 1: DAT AN PHU

Ciu1l:PapanC. .
CTach: 2925 402 205227 —927 M 4+42% =0
fax) - : x '
Chia hai v& cho 2** > 0. Ta cé: (c)<:>2.22{ ')—9.2”1"“!-4‘:0.E)étt‘-—-2’r >0
()20 -9+4=01=4, z2=%:
o 1= 4= o x=2ex-x-2=0
x=-1, x=2
1=27 =%= 2 xP-x+1=0 (vd ng_hiém)
 Véy phuong trinh d3 cho ¢6 2 nghiém x =-1, x=2
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Ciu 2: Papan D. -

3 3
Proz6r -t loorer-2 2o 2 g2 -2 10
. 2X—J 2.\’ 2.\' 24\' V 2.\' . . .
. . ) 2 - .9 3 3
Dit &n phu t=2‘—-2-;:r3=(2‘f—21] :>23~2T=t3+6t

' --(a)®f3+6t—6:%1<;>r’='lc>:=1.Ve”_1y 2“—%=1c>2?”—2"—Z=0<=>u2—u—2=0

'V“ =2 0 - ( ..) y2 —-2 : —1
U - .V =L X

DANG 2: CHIA ROI DAT AN PHU
Cau3:Dip4anC.

Pt 1=(\7-7a8) >0=>({7Jas) =1

. R 4 =T-443

Vay (a)®:+l=14®rzﬁ14:+1-=o@ : V3
t L=T+43

¢ (VI <1 o g (1-445) 2

. (m)f=7+4ﬁ=7+~/4_§<:>x:2

Véy phuong trinh d& cho c6 2 nghidm x=-2 va x=2
Ciu4: DapanB.

Prc(s_jﬁJ +7(5+;/§] =2'=3

. - - L : . ;=1
Datt_=(5 ;IZTJ >0 .Khi dd (b)<:>:+%=8<:>r'—8:+7=0©[ '_
» r=(5";fﬁ) =l x=0

[.zk
s-v21 Y
,. r{_z_—] =7Qx=log—"f' @)

DANG 3: DAT AN PHU KHONG HOAN TOAN
Céu 5: Pap an D.

25" -2(3-x)5" +2x-7=0 = (5} ~2(3-x)5 +2x-T=0 & =2(3-x)1 +2x—7 =0
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Gii tich
(VOl t=5">0)céd A'"—".(3—x) —2x+7={x- 4) [1_7 2
S t=-1{Loai) .

Vay ta c6 5° =7~2x, d& thiy phuong trinh c6 1 nghiém x=1
V& trai: 512 ham ting, v& phai =-2x+7.13 ham giam.
. Vay x=1 la nghiém duy nhit clia phwong trinh,

- Cau 6: Dip én A, .

3252 +(3x—10)5"7 +3-x=0 ()
Pit =520

(8) @32 +(3x~10)1+3-x=0c6A=(3x~10)' =43(3- x) & A =(3x-8)".

1
3

-

3-x '
1
J@x 2+10g5(3)

o t=5"7=3-xd& thdy x=2 131 nghiém. .

II

Vay (b) c62nghiém {

. t=5“72=%c> x—2=log5[

L | e

V& trai: 5 1a ham tang, v& phai: -x + 3 1a ham giam. Do d6 x =2 la nghiém duy nht. -
Két hop ta dwgc 2 nghiém.

DANG 4: HAM 5O

Céu?:BépénD. o : :
2+ —2?"‘ =(x-1 27 +(x-1)=2""+(x*-x) (¥
© Xéthams8 f(1)=2'+¢ trén R, tacs: f(1)=2 In2+1>0,VieR
Vay ham 6 f(f) dong bién trén R. ,
Suyra () f(x-1)= f(x —x)@x 1=x* —xc>(x I) =0ox=1.
Ciu 8 Pép an'D.

@ (o) +(25) =& [2 *f] [ZfJ Sh

4

Xét ham ng(f)=(‘2_4\/§} +(2+4\/§] trén R, tacé:

o e

Viy him s& (¢} nghich bign trén R. Laicé: f(i)=1=(*) o x=1.
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@3 +(B2) =(5) ()
V-2 B+2Y
e
33, Bz [0<a<t
Pit a= 5 b= 5 ::>{b>l .

. Né’u XZO, thil{d’ >0:>VT>.]=VP_

5 =1

"7>1
N&u x<0, third® ~ =VT>1=VP.
) - BT =0

T ddy suy ré, phueong trinh (2) vé nghiém.
@) (3+242) +(3-242) =6" = (3”‘5_) (3 ZIJ (%)

6

VXethamso f(r) (3+2J_] [3_?/5] trén R, taco:
F)= 3+2J_ [(3+242) (3-242 ‘! 3-2V2) o vrem
6 A 6 ’ '

Véy him s8 f{t) nghich bién trén R. Lai c6: f(1)=1=>(***) e x=1.
DANG 5: BIEN BOI THANH TiCH

Cau 9: Dép an D.
47 +x37 43 =239 2 12546 (1)
Pidu kién: x20.
Ta cé: (1) o 4x* + 237 +33% =235 57 4 2x4+6 © 4x - 23727 - 20+ 237 —6+33" =0

azx'*’_(z—3"’;)—5(2—3_“';)—3(2—3";)=_0@(2—3&)(2;:2 —xf3)=o'

L x=10g§2
2-—3J;=0 : 3 3 2
<> S| x== = x=q=;logi2;.
2x*-x-3=0 || 2 2
x=-1 (loai)

Ciu10: Pip dn A. |
Phuong trinh: (2++2)™ +2(2-VZ) ™ =142 (d)
Datt=log, x> x=2 x>0 .

(.d)_c) (2-!-\/5)’ +2 (Z_ﬁ)' :]+(ir)2
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Chinh phuc diém 8, 9- 10 bai t.’a‘p tric nghiém Giai tich
Nhan2vecho (2+\/-) ta co: (d)@(2+«/_) +2’(2 J_) (2+J_) (2+ 2 +4’(2+\/_)I
o(2+2)" +2'.2'=(2+J_) +4(2+V2) e(2+V3) [(m*) 4] [(2+f)_ ]:

@[(2-+\/5.)' —4’}[{2+J5)’ —1]:0 5{(2?‘5} —IJ[(2+J5._)"—1}=0.

2442Y 2442 ) _
= =1= ; (=0 . .
< [_O.ng log,x=0 x=2=1

(2+-\/§)r=1=(2+\5)0
Ciu 11: Bap dn A. ,
X3 e x(3 - I)=2(2" -3y 2 3! +3x37 4237 327225 =0
37 '(x_ +3x+2)—2’(x+2)=0<:>3""(x+2)(x+])—~.2' (x+2)=0

é (x+2)[3"" (x+1)—2’] =0 [;: (_x2+ )= 2): Q)

Ta cé: (2)®§(x+l)=2’ @3(%). -x-1=0 (3)

f i
Xétham s§ £(r)= 3[%)_—:—1 trén R, tacd: f'(r)= 3[;) In%— 1<0,VieR.
Viy ham s8 f(¢) nghich bién trén R. Lai cé: f(l) =0=(3)ox=1
Vay x={-21}.
Ciu12:DipanD. o _ _
22(.‘r:+.r) +2I-xz - 22(,1::4-):).21--.1z —1=0 2]-;1 —i- 22[":*‘) (2!—xl _ ])

- 2 = I-x*=0 =]
<:;‘(2l 2_])(1—22 : )=0<‘._'>':22ﬁ+2:=].<.:>[2xzx+2x=0<:>[i=0 N

| - Céu13: Pdp an A. _ -
1234315 -5 =20 437 43715 5.5 4520
= 3 (4+57)-5(5" +4) = 0¢:>(5'+4)(3‘*' 5)=0©3" =5 x=log,5-1.

l
L=

 Cau14: P4p én C.
=4"—8 : o,

Dit {u .‘ Spow+v =w+v) o+’ =1’ +v +3wlu+v) o wlu+v)=0
v=2"-6 " T i
wu=0  [4-8=0 [ar=g |*73 3 |

S[v=0 ©|2-64=0 |2 =64|x=6=|""2 o x4z =2

. g

u+v=0 [4°4+27-72 |27=8 |x=3
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BAT PHUONG TRINH MY

'DANG 1: AT AN PHU, BIEN BOI TUONG DUONG

Cic erh nhé dén bt phicong trinh co bin sau o’ 2 ">
+Neua>1thi o/ 208" o f(x) 2 g(x)
7‘+ Néul<a<lthi a’ 2a* o f(x)< g(x)

| Trudng hop a =1 thi véi moi x sao cho f(x) vi g(x) xdc dinh.

Ciu T: Tép gié tri céa m thoa mén bat phuong tminh %"‘z—‘s <2 (xeR)1a (~a) Ubic).

Ki'u d6 a+b+c bing:

A0 - B1 C.2 D. 3
Cau 2: Nghiém ctia bt phuong tinh 4x? +x277 +3.2° <x*2° +8x+12:
A —l<x<\2 . B.xé(—l;ﬁ) C‘.xe_(\/z;-lrw) D.{-;3)

o x<;\/§‘vx>3

DANG 2: HAM s6

- C4u 3: Nghiém cta bat phuong trinh 2* < 3741 1

o Ax<] B.x>2 - Cox>l D.x<2
* Caw 4: Nghiém ctia b4t phreong trinh |+2°" +3 <6
Ax>1 B.l<x<2 C.x>2 D.x<1.
L3I GIAI CHE TIET

Ciu 1: Pép 4an A,
Ta cé: 29°-36 <2 29°-56"+24 <0
. 61 — 4.!. 6.\' . 4.\'

Chia ca tlr vA mau cta v& trdi cho 4* >0, bat phuong trinh tirong duong voi

2x x
2@] _5(%) 2 (Y 2025t +2
— _<0. Dat :=[5) .t >0 bt phwong trinh tréy mé:mt‘—!*so

RO
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Chinh phuc diém 8, 9, 10 bii tip tric nghiém Giai tich

b Véirst tacs 3—) <t xsiog,t e x<—iog,2
2 ) °3 27 ]

'+ Véil<t<2tacod 1<(%) $2¢0<x<log,2

Véay tap nghiém ctia bat ?ﬁuong trinh di cho la §= (-—oo;-—log'3 2}\)[0;]%3 ZJ .
‘ : 3 3
Céu 2: Pdp dn A. 7
43" 4327 4327 <X 27 +8x+12 (¥)

(*)©74(x2 —-2){—3)—2-\" (x2—21—3)<0<:>-(x2_2x_3)(4_2-r2)<0

¥ -2x-3<0 “1<x<3 “1<x<3 | ' S
{ 4-250 { {—\E<x<\/_i —l<x <2
X =2x-350 x<—tvx>3 T x<-lvx>3 Ql:
{ 4-727 <0 { x*>2 {x> 2vx<—/2

x1<2

x<—/2vx>3

VDAN(r.;- ZHAM s

Ciu3:DéipanD.
Al <3§ +le1 <[§Jx+(l)x ‘ ”
pit /(x) =[§J +&) I haum o8 gidm va f(2)=1. Vay () = £(2) ) Flx) o x<2.

Cau 4: Dap an C.
14243 < 6° (*)

7 (.*)@G]Xu(ﬂls&)x%l (**)

Thély f(x);[%]}z[%] +3G]' 1a ham gidm trén Rv £(2)=1. Dod6 (**) & x> 2.

PHUGNG TRINH LOGARIT

Khitacé:-flbgai:a@;:aa .
i los Fl)—log [f) =2
| + l.oga f0)= log_a gx)y & {g (0)> 0 hoic £(x)>0
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Khi gidi phitong trink cdi em nhé dit ditu kign d& ham s6 trong biéu thitc logarit:
f)>0
X6t bat phuong trinh logarit sau ddy:log, f(x) 2 log, g(x)
+ Néua> 1 thi: bit phuong trinh & f(x)2 g(x)> 0
|+ NE0<a <1 thi: bit phuong trinh < 0.< F(x) < g(x)

~ DANG 1: SU DUNG THUAN THUC CONG THC

Ciu 1: Phtr(_mg trinh %lg (362 —dx— 1) =1lg8x —1g4x c6 tat ca bao nhidu nghiém nguyén?

Al . B2 . cs. D.0 .
Ciu2: Phuohg trinh In(x—l)lnx =Inx c6 mot nghidm dang a+b.(e) . Khi &6 a.b bing: _
Al B.e C.& D.2
 Cau3: Phu’ong trinh log, (3x +1)log; x =_2lo-g2 {3x+1) b bao nhiéu nghiém?
A0 e B.1 G2 D.3

Ciu 4: Phuong trinh logx2—10g4x+%:0 6 mdt nghiém dang % Khi d6 a+c+3
NC .

béng? (a,c t&i gian)

A8 B.9 ‘ C11 D.13
Ciu 5: Phuong trinh 1g* (x - 1)2 +lg’(x _~—1)3 = 25 ¢6 tét ca bao nhigu nghigm nguyén?

A0 B.1. (2 ~ D.3

DANG 2: DUNG HAM s6

KHhi bii todn c6 2 bidu thitc logarit v6i 2 co s§ khiic nhau, théng thudng ching ta sé
|- diit mothidu thitc loga theo dn t, £6i it x theo t, th vio biéu thitc logarit mdi.
Sau niét loat bién d6i thi phuong trinh thu duge sé cé dang nhu sau: '
| ' T NN
Trong biti todn thu duge trén, a va b c6 the dong thoi 16n hon 1, (khi d6 v trdi dbng
. bién), hodc a vi b ddng thii nho hon 1 (khi 46 v€ trdi nghich bién)
Khi d6 phuong trink c6 nghigm duy nhit t = to. Nghiém ndy sé dugc nhim dé dang.

Ciu 6: Phueong trinh log, (x-3)=log, (" -6x+8) c6 nghiém dang a+vb. Khi d6
a+b bang: _ o
A6 B.4 ' C.8 D. 10
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Chinh phuc diém 8, 9, 10 bai tip tric nghidm Giai tich

Ciu 7; Phuong trinh log, x = log,(vx +2) ¢4 t4t ca bao nhiéu nghiém nguyén?

Al B2 c3 . - D4
Cau 8: Phrong trinh log,(x~3)+log;(x-2)=2 c6 bao nhiéu nghiém?
A2 B.3 C.4 D1
Cau 9: Phuong trinh 4(x—2){log, (x -3)+log,(x--2)] =15(x+1) c6 4t c4 bao nhiéu nghidm
 vdty? o o
A1l | B.2- C 3 . Do

DANG 3: DAT AN PHU KHONG HOAN TOAN

Tuong ty nhi dijt dn phu khong hodn toin trong phuong trinh mi, ta sé dit
t=log, f(x) phuong trinh sé dwoc diea vé phuong trink bdc 2.dn t, khi 46 x vén con
. trong phuong trinh & an t tuy nk:en diu dic biét ta'sé thay dugc 1a A= (ax+b) khi

do baz todn dé gidi hon nhitu,

Cau 10: Tich t&t ca céc nghiém ctia phuong trinh log; x+ (x—1}log, x=6-2x bing:
AT : B.2 -Gl D.1

Cau 11: Phuong trinh (x+2) logz3 (x+D)+4{x+1)}og,(x+1)-16=0c6 m(“)_t nghiém dang % .

Khi d6 a+b bing: :
Al : B.2 - co D3

Céiu 12: Phueong trinh 10g3(x+1)+(x Slog (x+1)—2x+6=0 c6 tit ca bao nhleu ngh1em
nguyerﬂ . . : )
Al B.2 - C3 D.4

DANG 5: THAM $O

 Khni gidi bai todn dang ndy, chiing ta sé lam theo 2 budc:
+ Butc 1: C6 lgp 2 vé'fix) = fim), vé'phdi 13 hing s6
+ Buoc 2: Tim gid tri lén nhit hojc nho nhit cua f(x) trén khodng yéu ciu cia bai todn
(thuwong yéu ciu phwong trinh c6 nghzem trong khoang hodc d‘oan nao d6). Tix do ta vé bang
‘bién thién va tim ditgc diu kign cua fim).

Cau 13: Timm 4& céc&p_hu’ohg trinh sau cé ng}ﬁém 9 +3 +m=0:

A.m<G "B.m>0 - Cm>1 . D.0<m<l -
‘ C:’iu'14:-‘1“unmdé'céc phl_'fo*ng trinh sau c6 nghiém 9" +m.3* -1=0: ;
o A.m<0 ~ B.m>0 C.meR - D.0<m<
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Céu 15: Hoi ¢6 bao nhiéu gia tri nguyén clia m d& bat phuong trinh
log? x+ m.log, x — m 2 0 nghidm diing véi moi gia trj ciiax & (0;+w).

. Ab : B.7 C5 D.4
. Cau 16: Phuong trinhlog, x+log, x +log, x+log, x =log, x +log, x+ log, x+log, x c6 bao
 nhita nghiém? * -
A2 B4 . C3 D1

Cau 17: Cho phu’ong i:rmhlog2 (x +mx) fog,(x—5),meR. Tim gid tri 1én nhit ciia m
déphuong trinh ¢6 nghiém thue trén nira khoang|6;-+0).

Am——ﬂ‘ BMH—E | ' C.m=—£ ' D.'m=——ﬂ
7 6 22_ g
Ciu 18 Tim tit ca cac gla tri cia tham s§ m d€ phuong trinh x— R m ¢b hai
~ logy(x+1)
7 nghlemphan b1s;t.
A-<l<m=0 B.m>—1 CKhéngtontaim D.—l<m<0
Chu 19: Tim 4t cA cac gid tri cia tham s8 m d& ham s y = o 1 xéc

mlogs x—4log,x+m+3
dinh trén khoang (0;+0) 1a |
A.me(—41) : B.m & [1;+0)
C.m & (—o0;—4) U (1;+0) D.me(l;+w)
Cau 20: Tirn t4p hop X gm tit ca cc gid tri clia tham s§ thye m d& bat phuong trinh
1+log, (x* +1) 2 log, {mx" +4x +m)c6 tip nghiém 1a R. :
AX =[23] B.X ={3;5] Cx=(23 = DX=(35]
Cau 21: Cho phuong trinh4log x+ mlog, x+;—.1og : x—m—g—'zb (m 1a tham sé') Tim m

‘ _ 3 i
déphuong trinh c6 hai nghiém x,,x, thda manx,.x, =3 Ménh dé ndo sau day dang?

Al<m<?2 B.3<m<4 ' c.0<'m<% D.2<m<3

Cau 22: Timn t4t ca cée gid tr] thue ctia tham s6 m d& phuong twinh4" —m2" +2m-5= 0 o
hamgl‘uem trai dau. :
D. (2;4J
2

A.[£;+co] B'.(O; +oo) C.(O;EJ

12 . _ 2

Céu 23: Phuong trinh mO" T - (2m 1167 +m.a" =0 ¢ nghiém thudc khoang (0;2)
v6i gi4 tri ciia tham s8 m thude: S .
Af-0;0] B.(-0; 6] C.[6;+w) D.[0;4<0)
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Chinh phuc difm 8, 9, 10 bai tdp tric nghiém Giai tich _‘
Cau 24: Goi x,, x, (x; < x,) 1a hai nghiém ctia phuong trinh
- 8 +8,(0,5) +3.2 =125-24.(0,5)". Tinh gié tri P =3x, +4x,.
Al ' B2 C.0- - D.2

Ciu 25: 'I“untatcacacglamtlmccuamamsomdephuongmnh 4(log2~./_) éloglx+m=0

2

6 nghiém thude khoang (0; l)

Ams1- . B.m20 | Co<m<i: D.m<2
PR 3 4

Ciu 26: Bit phuong tnnhlog5+log(x +I)> log(mx +4x+m)ngh1em dung vxeR

véi bao nhigu gia tri nguyén chia m?
AVéssd B.3 - C.2 D.1

Cau 27: Tim gi4 tri thue ctia m de phuong trinh 2% 52"""1 =2 ¢6 hai ngl‘uem phan biét
X, X, thoa manlx, - xzi =22
A.m=2 ' B.m=+2 Cm=-log,5 D.m = log, 2

Cau 28: Tim tap hop t8t ca cc gid tri clta tham s§ thizc m d& phu’qng trinh sau ¢6 nghiém

thuc trong doan [%;4:[ (m- l)log,(x 2) +4(m- S)Iog, 2+4m -4=0

A.m‘>% B.-3<m-<§ _C—'3<m<§ . D.m<-3
Ciu 29: 55 nghiém nguyén khong am ctia bat phuong trinh \/15 2 4 l|+ 2%
" bingbao nhitu? _ _ :
A0 B.1 . . G2 . D.3

. x* T x*
Céu 30: Tim 4t ci cdc gi4 tri cita v d& phuong trinh (7 NG ) +m(7+35) =2
6 diing hai nghiém phan bidt. | '
‘A.m<—1— ' B.Os:ﬁ<—£ C—i<msi D.
16 : 16 - : 2 16 : 1
Céu 31: Tim tét ca céc gid tri clia m d€ phuong trinh log, (25’ —log,m ) x ¢ nghiém

duynhat o
- , mz1 _
B.m=1 C. D.m=1.

|
A.m=4—. . = 7 . ::__
o \/g_ , s
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.Cau 32: Tim m &8 bt phuong trinh: m9" —(2m+1).6" +m4” <0 nghiém ding véi moi
xe(0;1). ' ,
A0<m<6 B.m%6 Cm26 D.m<0

PE 5O GD& PT HA TINH

" Can 33: Bift tip nehiém ctia bt phuong trinh log, {vx? — x+4 +1}+2log, {x* —x+5) <3
p ngk phuong g; g;

' 1a (a3b). Khi 46 tonga+2b.
A3 ' B4 - C2 : D.1

_ SO GD & DT NINH BINH
Cau 34 Cho m va n la cac s8 nguyén duong khac 1. Goi P 1a tich cac nghiém cta phu’mv'lg
~ trinh 8(log,, x)(log, x)—7log,, x—6log, x—2017=0. Khi P I mot s& nguyén, tim tong
- m+n &8 P nhén gié trj ntho nhét?
Am+n=20 B.m+n=48 Cm+n=12. D.m+n=24 .

- CAu 35: Thm t8t-ca cac gia tri clia tham s8 thie m d€ phrrong trinh

4" +(2—m)2" +5—m=0c6nghiém thuxe thude(-L1).

A.me[4;§). . ' B.me[4;+06)
Cme[%,g) . D.rﬁe(—éo;—4)u[4;+oo)
Ciu 36: Tap hop céc gia tri cia m d&€ phueong trinh 3° +3 =mv/9" +1 6 ding 1 nghiém:
AfL3) B.(3;10) c.{1o} D.(,3)u {10}
LS GIAI CHITIEY

DANG 1: SU DUNG THUAN THUC CONG THIIC

! Cau1:PapanA.

DRERTETRT

}ilg(f ~4x-1)= '1gsx—1g4x

Diéu kién: {x x-1> et x<2 ngz+£<x®x>2+\/§

x>0 x>0

Phuong tinh: %lg(xz-—4x—1)=lg8x—]g4x:lg2
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Chinh phuc dlem 8, 9, 10 bai tap tric ngl'uem Giai tich

elgdx’~4x-1=lg2 o Jxl-4x—1=2

ox’ -l-4x—1=4c>x -—4x—5=0_<‘:>x=-1([.)_,x=5
Viy phuong trinh da cho c61 nghiéin: x=5
Cau 2: Piap an A. '
| In(x—1)lnx=Inx -
Didu kién: x>1

Phuongtnnh In{x- l)lnx lnx<:>lnx[ln(x 1)~ 1:| 0

nx=0 [ x=1 [x=1(0)
f=1 L==0 —~
In(x-1)=1""|x-1=¢ x=1+e
- Cau3:Pipan B. ‘
log, (3x +1)log, x =2 logz (3x+1)
Didu kién: x>0

Phuong trinh: log, (3x+1)log, x = 2log, (3x +1)

& log, (3x+1){log, x-2]=0 <:> L:;g;-(f;: 2 - O g)*)

_Phtfong trinh (*) < log, (3x +1)=log, 1 &> 3x+1 =1 x = 0(loai)
Phirong trinh (**)Qlog3¥=2®x%9

 Cau 4 Dap an A. A |

logr2 10g4x+-—0 (b)

Phwrong trinh: log_2-log, x +% = O Didu'kién: 0 <x = 1.Dit ¢t =log, x

17 1 ¢ 7 =3
(b)= —Zlog, x+==0-——+—=03"-T-6=0&| . 3
- log,x 2 6 t 2 6 , ;=_§

. ‘:=-log2}c=3¢i~_~2_’.=s

. t=log2x=—§<:>x=__2%=%

Ciu5: Dép an B. |
1g¢(x-1) +1g*(x-1)’ =25 (d) .
Phuong trinh: lg* (x~1)° +1g*(x~ 1)’ =25. Digu kién: x 31
d)e[21g(x-1)] +[31g(x—1-)]’—25 =0.Dat r=1g?(x-1)20
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50 .
r=—— (loai)

(d) =160 +9-25=0'c 32
=1

Véi r=lg’(x-1)=1e ig(x—l)sil = xt—*ll,x=:~(l)(nhén)

- DANG 2: DUNG HAM sO

Ciu 6: Pap an A
Giai phuong trinh: log, (x-3) = log, (x* -6x+8)
Dt ¢-log; (x~3) > x-3=3, phuong trinh d& cho trd thanh:

t'—Tl]og,‘I:Bz’ -] —3¥ | c(%)&(%} —1=0 (1)

" Xéthams6 f(:):[g]'{%]' .

TXDR, £'() :[i] 1ni+[l] I <0vrek
g 9 \9 9 -
tht’mg td f{t) 12 nghich bién trén R. Ma f [%J =0=t =»é~ la nghiém duy nhat ciua
phuong trinh (1) trén R. , ,
Suy ra phwong trinh d3 cho ¢6 nghiém duy nhat: x=3++3
» Cach khdc.
. [x=3>0.
- Didu kdéri: § ,
x —6x+8>0
. ' ~3=3% =3 +3
. Gia st 10g3(x—3)=10g4(x2-—6x+8,)=t::> x’ ' =d*
o x*—6x+8=4 X' ~6x+8=4

2

=(3+3) -6(3 +3)+8=4' 09 -1=4 o4 +1=9 o fj + l)':1
_ - 9) "\9

' o (&Y (1Y 4 4 1Y 1

Xéthamsd f(t)=|=|+|=| tacd /'{t)=|=|In—+| = | In—<0

msd f{7) [9) (9J /) (9J 9-[9) 9

Do d6 ham s8 f(¢) nghich bién nén cd nghiém duy nhat. Ma f [%):131?:% 1a
nghiém duy.nhét ciia phuong trinh £ () =1=>x=3 +3=3+3.
=a=3}b=3=a+b=6.Chon A.
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Ch.m.h phuc di€m 8, 9 10 bai tap fric nghlem Gidi tich

Cau'? Pipan A~ .

log,x= [og_,(\/a_r+2) (1)

Ditu kidn: x > 0.

Dt 1= log,(Vx +2) > log, 2= Vx +2=3 ©x =3 -2 x=(3 -2)
" Khi d6 (1) tré thanh: : S

log, (¥ -2)° '=,§3'—2=(ﬁ)' a(ﬁ) +2-3 =o@[g]+z[g -1.fo ). |

2 .

Xét ham s& f(m)=(?} +2[§J —1trén (log, 2;'+<;o), ta co:

f'(m);(ﬁ] |n£+2[£) ]nl<O,Vme(|0g32;+oo).
S T R R ) , |
Vay ham s8 f(m) nghich bién trén (log,; 2;+00). '

Lai c6: f(2) =0 (*) &1 =22 log, (Vi +2) =2 x=49.

N

Cich khac.
Pigu kign: x> 0.

. _ . .
Gia st log.,x=10g3(~/3_c+2)=r:>{ ‘ :;J‘]_’+2=3’<:;,(_‘/3iJ +2.(1J =1

Vx+2=3 3
: ' , _
: _ ) 5

X6t ham s8 f(Q:[?] +2.(%] taco (r) [\[-]] —“g—: 2( ]1 —<0

Do @6 ham s3 7(t) nghich bién nén c6 nghiém duy nhst. Ma f(2)=1=¢=2 I

nghiém duy nhit cia phueong trinh f(f)=1= x =7 =49. Chon A.
Cau 8:PipanD. L ‘

logz(x 3)+log,(x~2)=2 ' {1

Diéu kién: x>3.
Dit t=log,{x - 2):>x -2 = 3'¢:>x 3 +2. Kkudo(l)trofhanh

log, (3’ ~1)+1 =2 & log, (3' ~ )_2—r©3‘—1=22-' _
' 4 1Y (1)
@3 “"?“4[6)- (5) =0 )
Xét ham s& f(m)=4(lJm+[lT—l trén R, ta c6: f’(m)=4(—l-Jm ml{ljm Ini <0 vmeR.
, 6) \3 77 \6) 6'\3) 3
Vay ham s8 f {m)nghich bién trén R. '
Lai & f(])=_O:>(*)<:>t=1:>io&(x—~2)=1@x=5.
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> Cach khic. 7 . : :

Digu kiéri: x > 3. Xét ham s§ f(x) = log, (x —3) + log, (x~2) v6i x> 3,
x) (x ;)1117 + = ;) i > 0 :.Hém s8 dong bién nén cé nghiém duy nhat
f{5)=2nén-x= =5 Ia nghiém ctia phucmg trinhi. Chqn D.

Céu 9: Dap an D.
g 4(x 2)[log, (x— 3)+log3(x 2)]_15(x+i) (1)

Dleu kién: x> 3.

Ta co'_ f (

. Khi do e logz (x 3)+log3 x- 2)——14g f-—%c 0 (¥
Dat (1) = h:)g2 (!-—3)# _log3(r—2)—z.r_—l = (3;+oo).
L 153
Ta cé: f() L >0Vre(3+oo)

(r—3)1n2 (1- 2)ln3 4 ( -2y’
Vay ham f(r) ddng bién trén (3;+<__>o). La} co:rf(l N=0=>(*ex=11.

DANG 3: DAT AN PHU KHONG HOAN TOAN

Ciu 10: Dap an A. .
Jdogy x+(x—Dlog, x=6-2x (1)
Digu kién: x> 0. : :
Détz‘:logzx kl‘ddé(l)trc’ythénh' :2+( —i)t+2x 6=0< 1 +(x 3)I+2!+2x 6=0
(=2
f+x— 3+2t+x 3 0 t+2 t+x-3)=0c .
R T O R R R R T P

Vm r=—2=>10g2x£~é§:;_=—3¥

Véi t+x~3=0=log,x+x-3=0 (*).. -

. Xét ham éﬁif‘(r) = Iog2t+r¥3 trén (0;-1430), taco: f(r) =$+] >0,V &(0;+wo).

vay hams§ f(f) dongbin trén R. Laicé: f(2)=0= () o x=2.

;
V“ =4—;25:.
o {4_.}-

v Binh luin: So di phan tich du’cc thanh nhan tir la do ta thay

WD IR RIS TSI L

l1-x+x-5

A PR b &6 Sn N
A=(x-5) = 2 :
l—x—-x+5 .
=X g
. 2 )
Nén phuong trinh duwoc vhin tich vé dang: ($+2)(t+x-3) =0
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Chinh phuyc diém 8,9, 10 bai t3p tric nghiém Gidi tich
Ciu1l: Dip dn A.
{(x+2 )1og 3(x+l)+4(x~|~1)log3(x+1) ]6 0
Pisu kién: x> <1.

Dit ¢ =log,(x+1), khi d6 (1) trd thanh: (x+2) +4{x+1)t-16=0
<:>(x+2)t2+4(x+2)t«-4t—16=0c>(i+2)t(t+4)—4(t+4)=0 ‘
t+4 +2t-4|=0&
)[(x ) ] ':(x+2)t 4=0

+ th-—4:>log3(x+1) A x= 8810

+ Véi (x+-2)z-4=0=>(x+2)logzx~4=0@logzx-—4f° )
X+ :
1

t1n2 ( 4) >0\'/1‘e(0+oo) |

Xet ham s8 f(1)= Iogzt——45 trén (0;+0), tacd: f{t)=——
Véay ham s3 f (t) dong biéh trén R. La1 co: f (2) 0= ex=2 Viy x= { 880 2}

v Binh ludn: $& di phan tich dugce thanh nhén ti 13 do ta thiy
 2(x+D+2%+6 4

t (x+2)  x+2
_ 2x+1)-2x-6
B x+2

A=(2x+6) =
‘ =4

2

Nén phuorny trink dwoc phin tich vE dang: (-4)[(x+2)t-4] = 0
Ciu 12: Pp 4n B. '
 log2(x+1)+(x=S)log, (x + - 2x+6=0 )

biéu kidn: x > -1.

Dit £ =log,(x+1), khi d6(1) tré thinh: 2 +(x-5)/~2x+6=0

er +(x—3)‘:—2:—2x+6=0@:(z+x—3)'—2(r+x—3)=0
t+x-3)1-2)=0&

@f+x-3)(-2)= ':t+x 3=0
+ Vi £ =2 log, (x+1) =2 > x=8.

+ Véit+x—3= 0=>log3(x+1)+x ~3=0 (*)

Xét ham s8 f(t)—Iog3(t+1)+t 3tren( 1-+oo) tacé:
f'(t) m'F])O VtE( I+CO)

i - Viy ham s& f(t) dongblentren( 1+oo) La1co f(2) 0:>( )& x=2. Vay x={2;8}.
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v Binh ludn: S& di phén tich dugc thanh nhén tir 3 do ta thay

S5—x+x-1_ 4
flz—-_--——é—=5=2
A=te=l=l s e
- . Izz =3-x
2

Nén phuong trink dwoc phin tich vé dang: (f—2){t+¥-31;= 0
" DANG 5: THAM sO

" Ciu13:PipanA.

9 s Fam=0 L \
‘Dt +=3">0, khi d6 (1) trd thanh: 72 +1+m=0—m=1+ (¥)
P& (1) ¢ nghiém thi (¥} phai co ﬁghiém it nhat mbt nghiém rduwong.

Xét ham s8 f(¢) =1’ +¢ vdi £ >0, ta cb bang bién thién:

Lt

4o

Tt}

bEvs

3
2 //"'}/j%///‘ﬁ’
i

v

T bang bién thién ta suy ra:

P& phuong trinh (*) c6 it nhit mdt nghiém ¢ duong thi: —-m >0 m<0=>me (~»;0).

Ciul14: Pap an C.
¢ +m3 -1=0 (1)

1%

L.

D& (1) <6 nghiém thi (*) phai c6 it nh&t mt nghiém ¢ duong.

Dit 1=3">0, Khi d6 (1) tré thanh: £ +mr-1=0om=

2
Xéthamsé f(t)= thvcn ¢>0, ta cé bang bién thién: .

—c i o

o ,///;%///) - -

L

ﬁni/

-Ti bang bién thién ta suy ra:
D& (*) ¢6 it nhit mét nghiém t duong thi meR.

R R e L L PR T TIBRMLS DMt IYSI VAN RSIImANG s 2o - RuolT
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Chinh phyc diém 8,9, 10 bai tép trfc nghigm Gidi tich
Céu 15: Pap 4n C,

Biéu kién: x > 0, dst r=log, x thay vao bét phuong trinh ta duges® +mt —-m2 0 (*).

Yéu cau bai toan trd think fm m d& (*) ngluem ding v6i moize R Hay
A=m’ +4m<0<::>-—4<m<0

Vay ¢4 5 gia trj nguyén ciia m thdéa mén yéu cau ba1 toan
Cidu 16: Pap 4n D,

Xét f(x)=log,x+ log4 x+log, x +log, x —log; x—log, x - log; x~log, x,x >0
Cé f'(x)== ( + 4;—1—+—1—-—~L——I——L.——1—-J>0,Vx>0
In2 ir4 "In6 In8 In3 In5 In7 In9 S
* Dodé f{x) dong bién trén (0;4e0) nén phurong trinh £ (x)=0 <6 khéng qua mét nghi¢m.
Nhén thdy x = 1 1a nghiém, nén phuong trinh ¢6 1 nghiém.
¥ Cach khac, . _
Didu kién: x > 0. Tacé log, x+log, x + log, x +logg x = log, x +log, x +log, x + log, x
< log, x + log, xlog, 2 + log, xlog, 2 + log, xlog, 2 '
= log, xlog, 2 + fog, x IOg; 2+log, xlog, 2+ log, xlog, 2
log, x=0&x=1 '
L +log, 2+log, 2 +log, 2 = log, 2+log, 2 +log, 2(Loai) -
Vay phuong trinh d cho c6 nghiém x = 1.Chon D,
Ciau17: Pap an B.
" Véi x €[6;+), ta ¢ sy tuong duong: 7
-x+x-5

- log, (—xz +m)=10gz (x‘¥5).<:> Prmx=x-5e&m=
; N

. . — 2 — : - ’
Xétham s6 f(x) =223 1> 6. Khide:
x S

2x% + ~x"+x-5] ¥
(x)- il (x Wil )— x2+5<0,Vx26
X . x
Ta suy ram<f(6) 365-
Cau 18: Dap an B.
—_— x> -1 x}'—l d
e logJ(x+1)¢0 x#0 /
Xet ham s§ y=x- —-—-i--u— Ki'udo ta co: ¥
. logj(x+I) o
. I x+1 . .
yt=1+2[og3(x+ )] = : 2 >0 (Vx>-1)

logZ(x+1) ~ (n3)(x+1)log: (+1)
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Do d6 ham s6 d3 cho dbng bién trén méi khoang(—1;0) va (0;+e). Dyra vac bang bién

thién suy ra phueong trinh d& cho cé 2 nghiém Khi m > —1. .
Céu 19: Bép an C.
Ham s8 da cho xé4c dinh trén khoang )
(0;+w) <> g(x)=mlog) x—4log, x +m+3= 0 (Vx >0)
Dt r=log, x(¢ € R) khi d6 < g(r)=mt’~4t+m+3=0(V/eR)
+ Véi m=0=> g(r)=—47 +3 (Khong thoa mén) '
' o \ m>1
+ Véi miOsuyra_g(t)=mr~4t+m+3¢o(w)@A'<o®[m<_4
Ciu 20: Pap-4n C. |
- {x2+1>0
biéu kiéru R )
mx” +4dx+m>0
B&t phuong trinh tr& thanh: log, (mx’ +4x+m)-log, (x* +1)<1
MSSQ(mus)xumm—sss
x"+1 :
B4t phurong trinh da cho c6 tip nghiém JaR .
{mx2 +'4x-|_-m>0,‘derR (1)
(m—S)x2 +4x+m-5<5VxeR

* V&im =0 khing théa man.

e Voim = 5khong thdéa man.
* Véim=0m=5

m>0
m—5<0 O<m<5
(I)C> A <0 Sim<-2vm>2S2<ms3
o, mE3vm=2T
4—(m—5) <0
Vay me(2;3]
Cau 21: Dap anC.

Phuong trinh da che viét lai nhw sau: 9log? x—3(3m+1)log, x—9m=2=0 (1)
' Dt t = log, xkhi dé phuong trinh (1) tré thanh: 97 ~3(3m+1)1-9m-2=0 (2)

Yéu cau bai toan tiong duong véi tim m d€ phirong trinh (2} ¢6 hai nghiém 1,4,

- A=9(3m+1) +36(9m+2)20

7m5nr1+t2=1@ Im+1 . <:>m=§
=1

3 :
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Giai tich
Ciu 22: Pap anD. o
Dt r=2",tacod * —mt+2m~5=0. C‘anummsaodlophuongtxmhnaycohmngluem
phénbiét dwong 7,7, théaman (1, ~1)(£,~1) <0 & xx, —(x, +x,) +1 < 0. Vay ta cé:
m —4(2m-—5)>0 : ' '
m>0
2m - 5>0
(2m-5)-m+1<0
Ciu23:PipanC.

¢'>£<m<4
.2

- i y) -2x 4\ oz
PT_@m—(Zm-i—l).(;J | +m(9J =0

_ -2x o

bt t=(EJ X (5(0;2):.‘>te(l;i]:r»PT<::'>m—(2m~iu1).t+m.t2 =0 cSm— *
3 71 R 2t+]

+1- ‘ 3 :

=> [Vte(l;E:DDHém s6 f(t)nghich

B t t
. Xét ham 5 f(t =——-——-—:>th =
e 'Sc? ® 12 —2t+1 ® (lft)

' bié’n'trénkhoéng[ ﬂ Mt Kndc lim = +cof( J 6nf(tjgf@)af(t)ze.'
Suy ra 26 < me&[6;+00).

Cau 24: Péap an A.

8 +8.(0,5) +3.2*° =125 24(05) @8(8’ ]+24[2§+5—J—125 0

@8(2*+—-§-)3=125¢:2*+ix=§<=>(2*—1J.(2‘—2)=0<:>x=i1
)T 2T 2 .
Céu 25: Dap an D,

x>0
T m=-t’~t=f(x)

{tog, x)" +log, x 4#1'11.:‘0—-@’3"——)}2 -+t+n"1.<:> { te(c0;0)

Taco £'(t)=~2t~1= £'(t) =0 -2t -1=0&>t =_—%
Xét bang bién thién cta hiam 8 £(1)véi x &(~0;0), tathdy d& PT ban du c6 nghiém
thudc doan (0;1) thi phurong trinh £(t) = m c6 it nhét 1 nghiém, khi d6 m SI]{' .

Cau 26: Dap an D.

mx?+4x+m>0 mx® +4x +m >0

‘ ¥xelR
(m-5)x’ +4x+m—5$0( x<R)

BPT@{

(vx E-R) o {

5(x +1)2mx +4x.+m
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) m>0
1fm>0 ‘m>2
1{4—m® <0 ‘ Lm<—2 m>2-

(VxeR)e 4§ ,meZ=m=3
m-—5<0 m<?5 m=<3
l4-(m-5¥ <0 {m=<3

. o o mz7

Cau 27: Bép an C.
PT < log, (2”’_52x+m ) =log, 2 & (3--x?)+log, 5% =1
o xt —2~(2x+m)iog, 5=0¢>x’ —2x.log,5-2-mlog,5=0
P’Tda cho ¢6 2 nghiém phén biét x,, x, & A'=4log,’5+2+mlog,5>0

L, . e N x+x2_2log,5
) Kh1 do theodinh i Viet, ta co:
X%, =—2-mlog,5

- Ta cb: [x, — %, =(x, +%,) -4x,x, =4log,’ 5+4(2+mlog,5)=8 & m = —log, 5

E ) Céiu 28: Dap an C. ’

- Phuong phap: Bign d8i phuong trinh, cd 13p m, dua vé xét tuong giao cia hai db thi
ham 58 y= f(x) va y =mtén doan [a;b]

+ Cachglal (m—i)log (x- 2) +4{m- 5)logl%+4m 4=0
< 4(m—1)logl (x— 2)+4(m S)log, (x—2}+4m—4=0
, Détt:log,(x—.z)-xe[%ci}:te[—2;]] Khi doyeu cau bai todn trd thanh tim m 48

phuong trinh 4(m-1)t* +4(m—-5)t+4m-4 = Oconghlemtrongdoan [-2:1]
Co 4(m-1)t* +4(m-5)t+4m—-4=0

<:>m(4tz+4t+4) 4¢? +20t+4<:>m—1+—4~tﬁ~:=f(t).
tt+l
. 4t —4t 44 L '
Xet f{ti=1 Ft)=——— =0 t=%le|-2;1
1) Tl (1) (th2)+t+1 < e-21]

’ n f(—2)=.._ f( 1)=-3; f(l)_—:>rlnaxf(t)z-g—,l[-;}zi:ﬁ.f(t)f_}

maxf(t)<m<rmnf() o -3<m<..
] 24 3
Cau29 PapanD.

Pt 1=2"21(do x>0)batphu0ngtrmhtro*thanh 301 2]t —1+2t.
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- Chinh phuc diém 8, 9, 10 bai tip tric nghiém Giai tich

-

30¢+123-130+129" 6141 0<r<4
0<x<2 Suy ra ¢6 3 nghiém nguyén khéng dm cta BPT.
Céu 30: Pap an D.

PT@(?—;;\/EJ +'m[7+3‘/§]=l.
2 12 2

Détt=[7 3‘/_J (01] Khi d6 PT =>21*—1+2m= 0 2m=1-20 = () (1).

Tacé.g'(f)=1—4t;0<:>t=%.

Suy ra bang bién thién:
1 R
0 =
| o 4 1
| g’((). . + 0 - —
) : A

PT da cho c6 dting 2 nghiém phin biét <> (1) 6 diing 1 nghiém ¢ & (0;1)

] . 1 .
Zm:E . m:E
-8 =
-1<2m=<0 --—5<m50
Céu 31: Pép an C.

PT<> 25" —log m =5 st = log, m
: Xét g(t) =1’ ~¢ trén ((}; +oo) ta ¢6 bang bién thién;
¢ o |

g'(?)

() \ /

[=T0 B N

] 1
Tie|"TE.
log;m=>0 mz1

log,m=—

N

_PT dé cho ¢6 nghiém duy nhit <
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Cau 32: Dap an B

D=

o .Eeentilns L ST IORSRIGASIC ¢ o TRaER 40 0 Dol StlrasTA TR 0N L SMRDT G sl DR TR

X X

 m9 - (2m+1) 6‘+m4‘<0<:>m3——(2m+1) -Z—+m<0( >0,‘?’xeR)
LN ' '
' @m[;} _-—(_2m+_-1)-.( J+m<0(l)

ol woeretof2] 2 ggjal<t<_

' B&t phuong trinh da cho firong duong: ms’ —(2m+1)t+m<0

<:}m(-t —2t+1_)—1£0<:>.m(t—1)'—!£0<:>m£

1 .
il

‘Giasi flt)= Svol 1<t <= .-
Gkt 7 ()=t 11 <3
(),, t+1 f1<0Vte( 3)
(t 1) (r 1) \ 2 R
Bangblen th1er| ctia ham f() linllf(t):wo, lin}if(t)':é
o _ ! : .
— 1 E b

IOIGEaR -
Fia) B e \

" Theo'bang bi#n thién (1) c6 nghiém ding véix € (0;1) <> m <6.

A

6| "

S ' BE SO GD & BT HA TINH
» CachKhac. -
x*—x#4(t > 0) bt phwong trinh tr& thanh log, (1 +1) +2log, (£ +1}<3

_-’Xféth‘amsé' f(r):lbg3(t+])+2[ogs(t2 +1)=3 v6i >0

1 4r - :
| 0= £(1) dbng bi
(r+1)1n3+(:2,+1)1n5 /{t) dong bitn

Tacé f_'(!) =

Ma f(2)= 3:>f(r)<f( )=i<2= ¥ -xt+d<2oxr—x<00<x<l,
Dodosuyraa =0;b=1=2a+2b=2.Chon C.

SO GD & PT NINH BINH
Ciu 34: Dap an C. _
Tacd PT < 8log, n(log, x)" —(7log, n +6)log, x—2017 =0
' ‘ ' 139




Chinh phyc diém 8, 9, 10 bai tip tric nghiém Giai tich

Dit r=log, x= (8log, n)* - (7log, n+6)t~2017 = O(m,n c—:-N')
Do phueng trinh trén c6 ac = '—2017.(8 log,, n}< 0 nén phuong trinh hudn o6 2 nghiém .
- phén biét.

Khi dé theodinh Ii Viet i+t = __7 log,n+6_7_6

—lo
glog,.n 8 8 &

7
Dodo log,,x,+log,,x2_~§+ log"m:>P XX, =nd ¢ =ntm?® =

Ciu 35: Pap dn A, , _
Ditr =2"Khidé —1<x <l 2™ <2° <2'hay%<_r<2'. Phuong trinh da cho trd thanh
£ r(2-mit+5-m=0& 11 + 2t +5=m(t+1)

32
T+ 2
<:.‘>m=——t hi t+5<:>m=t+1+————4 *
: t+1 1+]

Xéthams6 f(r) =H—1+;4_1 trén khoéng[%;zj,
+ ' :

- #4263 ' 1
Taco: f'(t)=——— ~ t - 1 2
f() (r+1) R R ) :
t=1 | o 4. - 0+
' (t) Oé[f"—B(Loai) R 13
N 1 s T ey ok aen w6 \ /' 3
Yéu ciu bai toan la (*) ¢ nghiém "

trong khoang ( ) hay 4<m < 13'1)

Ciu 36: Dap an D.
it 3 =1,t>0. Phuong tinh tr thank m = A
' £+
Xét ham sd f(t)- 1+3 130
ISR B
1-3¢ 1

> )= —=0t==
() (7 +1)\/ +1 3 o
Tir BBT ciia ham s6 ta thiy pt /(1)=m c6 ding 1 nghiém néu [;”z*h_g
: R o <m<
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" Béangbién thidn; ,
oY s -
! 0 — +no

3

1@ + o -

e J10
f(f) ‘ 3 / \ |
MIN VA MAX

Ciu 1 Cho ba s8 thuc a,b,c € [%;]]. Tim gid tri nhd nhat £, cha biéu thize:

ALY 1Y [
P=_-l°gﬂ(b—Z)Hﬂgb(C_Z]-".k_’g*{am}f]‘

AR =3 B.P,.=06 - C.P.

min min min

\/5 D. })min =1

Ciu 2: Cho x, y 1a cac s8 thye théa manlog, (x + y)+log, (x—y)21. Tim gia tri nho nhat
P, cta biéu thirc P =2x—y . -

B.P, =243 C.P, =4 Cpop, <103

™min min 3

AP,

- Cu 3: Cho hai s8 thuee a, b thoa man cac digu kién a’ +b* >1va log,.,,. (a+b)z1.Gid tri
Ién nhit caa bidu thikc P =22+ 4b-31a:

R 1 1 - —
T ALWIO : B.— C. =10 D.2V10
LOI GIAI VA AP AN

'Chui‘DapanB
Nhanxet Pifmroig=b= c=% TmhnhanhP =6

min

Dé dang ta b a2 Za——;b2 21’:——1—;c2 26‘—1
: 4 4 4

.1 ' , 2 2
Do dé 2 <a,b,c <1 nén log, (b —%) > log, b%;log, [c d}IJ >log, ¢”;log, (a ——%] zlog a

Suy ra P>33flog, b’log,c’log,a® <> P >3.23log, blog, _clogc as P26

_osr

Dau

min

xéyrakh.iazb:c:%.'vayP
‘Ciu 2 DapanB '

Dleu kign:x>+y. Do do x>0. Tl BDT & dé bai, ta thu duegex’ —y* 24, suy ra

X2y +4(do x>0). Din dén P 2 2./y* +4 -y . Dit f(¥)=2yy* +4 -y, tadé dang
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Chinh phuc di€m 8, 9, 10 bai tp tric nghiém Giai tich

2 S 4
tim dwge min f(y =f[—]=2\/§. Tir d6, thu duge P, =23 khi x =iy =——.
| min/ () V3 _ o VBT

Céu 3: Dip anA.

} ' : T . 2 2
Do a’+b’>1valog,. .(a+b)21 nén atb>a’+b’ @[a—%) +[b-—1] s%(l)

Tacéd: a+ 2b = Ii(aA-—%) + Z(b ,%)] +%(2) |

Ap dung bat dfmg thirc Bunhiécopski cho hai day s§ a - —;— b —% val, 2taco:

() R ¥ ) O O T

3 4o

Tur (1) va (3), ta co: 5.%2[a+2b—%) :a+2meSTQZa+4b—35Jﬁ

1 1

a-~ b-— ‘
2.2  fas3i0
Diu “~" xay rakhi va chikhi { 1 2 = 10 .
a 2 2 542410
1 1Y 1 |p=2¥2V10
a——| +|b—=| == 10 ,
2 2) 2 U 10

HAM SO -POTHI

Ciu 1: Cho o, B 14 cac s8 thuc. Db thi cic ham s8 y=x°,
y=x"trén khoang (G;+)dugc cho trong hinh vé bén.

yd

Khing dinh nao day 1a déng? - = _
AO0<B<l<a - B.p<0<l<a ' e

ClO<a<l<p D.a<0<1<p - ' 5

- Céu 2: Biét hai ham s§ y=a*, y="F(x) c6 &% thi nhu hinh ve ddng thoi db thi ctia hai
ham s6 nay d6i xiimg nhau-qua dudng thing y = —x . Tinh f_(—a3)
. ) - V 1 e Ay
Af(-a’)=-a* = B.f[-a%)|=— r=a
(@) mafw)ol

y=-a

VCA.f(—ag)=—3' B ﬁ;f(_a_i‘):..ah y=ffx) :

>
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LSI GIAY CHI TIET

Caul: Bép anA. _
" Dya vao do thi ham s0, ta thiy
« D6 thi hai ham s§ 14 ham s§ déng bién trén (0;+w) nén

yy'=0;V(0;+0) . Ta thiy ring;

=x*=>vy'= ,‘“_I Of..Xu_l>O
{y x y=ax =afp>0

y=x*=y' =px" px!

. Dé thiy tai x=2 thi 2*>2" = o> suyra 0<p<l<a

Ciu2:Bapan C. : y=a

Dira vao d6 thi-ham s8, vi y =f (x) d6i xang voi

y =a" qua dudng thing y = —x nén db thi ham -

.36'y=f(x)cé phuéong trinh 14 y:f(x)zlog_l (-x). .

ﬁo 4o f(—a3) =—log,a’=-3

BAI'TOAN NGAN HANG
BAI TOAN LAI SUAT

[cAC CONG THUC CAN NHO)|

A £33

Cong thite 1: (Danh cho giri tién mét Hin) Giti vdo ngén hing si tién ld a dong, vdi
1Gi sudit hing thing 1a 1% trong n théng. Tinh cd vn lan 1di T sau n thing?

e Gidi:
- GoiAl tién vén 1an lai sau n thang ta ¢6:
Théng 1 {n=1):7, =a+ar=a(l+r)
Théngz(H=2)13;=a(1+r)-i—a(1+r)r:a(1+_r)2

- Vay T =a(l+r) (*)

- Trong &6: a tién vém ban diu, 1 1di suit (%) hang thdng, n s6 thing, Atién von ln lai

sau n thing.

SIUICUATIOTRANRIMILIIE RULISSIAAMALAN. e ARSI T S T AT TR SUEIRETTE MG B T AERALLT Y

Tt cong thixe () 7, = a(1+r)" fa tinh durge cace dai hegng khac nhw sau:

Bt I B e e e ki

1
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Chinh phuc digm 8, 9, 10 bai t4p tric nghiém Giai tich

)n——---‘ 2)r={/.’§—1;a~ L
In(i+r ) a (1+7)

Vi du 1a: Bac Dan ¢6 200.000.0004, nhlmg bac chi gt vao ngén hang 100.000.000d ti&t kiém
theo 1ai suét 0,7% thang Tinh ca von 13n 1 sau 10 théang bac Nam ¢4 bao nhiéu tién?
Gidi:
- SO Héngin ngan hang sau 10 thang la:
T = 100000000(1 + 0,7%)°+ 100000000 = 207224666,8 triéu
Vidy 1b: Bac Mai giri vao ngén hang 200.000.0004 hoi dé€ durge 250000000d. Thi bac phaI
gl tiét klem bao 1au véi 141 sudt 1a 0,6% thang?

i ) - Gidi:
- Titcong ﬁu’rc M7 = a(l +r)" ta tinh duwoc céc dai fwong khac nhw sau:
e
Hn=-o—42_
=Y )
o 250000000

200000000 _ 37 3 ghing
7 ln (1 +0, 6%)
- Vay t6i thidu phai giri 14 37,3 thang.
V1 du 1c: S8 tién 100.000.000d g tién ngan hang Agnbank Ha Noi, ngudi d6 mudn
trong 8 thang thi l[anh vé dugc 105.000. 0004.
Tim Jai sust hang thang?

- S8 thang t61 thiéu phai gtri la: n =

Gidi:

n fT
- T céng thire ()7, =a( 1-+r) ta tinh duwgc cdc dai hegng khac nhw sau: 7 =g~ -1 -
. S a

- o f105000
- Lal sudt hang thang ng% 1=0,61%

Vi du 1d: Mgt nguedi giri 10 triéu déng vao ngén hang trong thai gian 10 ndm vdi 1ai suat
5% mot ndm. Hoi ring nguedi d6 nhan duge s8 tign nhigu hon hay it hon bao nhitu

néu ngan héhg tra Iai sudt % % mot thang;
- (EDé thi HSG gidi todn trén may tinh, casio - Nim 2004—2005, Hai Duong)
Gidi:
- Tir cong thire.(*) T a(l +r) ta 2 tinh dugce cac da1 heong khéc nhu sau:

b ne ln— o :- o : 2)}_{/17_“1_ T
_m(“_ )' oo ‘ “Na 7 (1+r)"

- Goialasotién gLn tiét kiém ban dau r 12 1ai sudt, sau 1 thang sé 1a:
144 '
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Sau n thang s3 tién ca gbclai T=a(l + )"
- = 58 tign sau 10 niam: 10000000(1+ 0,05)1° = 16288946,27 dong
© S8 tién nhan sau 10 ndm (120 thang) voi 181 sudt 5/12% mot thang:

10000000(1 + 0 05 22 )= 1647009498 dong

=58 tlen g theo lai sust 5/12% mat thang nhigu hon: 1811486,1 dong

Cing thitc 2: (Danh cho giti tibn hing thing) Mot nguoi, hing thing gui vdo ngén

. hing s6'tién 1 a (dong). Biét lai sudt hing thang 13 v%. HOi sau n thing, ngudi &y c6
bao nhiéu tién?

: Giai:
Cudi thang I, ngudi d6 cé s6 tign la: Tj =a+ar = a{l+r)

Diu théng thit 11, nguedi d6 c6 s8 tién Ia:
: a . 2 a 2
a(l+7)+a =a[(1+f)_+1]=m[(“’) "1]=:[(-1+’f) -1]
Cudi thang thiz IT, ngudi d6 cd & tign 1a: :
a 2
[(l-i-r) —1] [(1+r) ~1]r= :[(l+r) —1]7(1 +r)

Dung c6ng thitc quy nap toan hoc ta co:
. Cudi théng thit n, ngudi dé cd s6 tién ca gic tin la1 ia Tw:

_ a T s Ln( - +1+ r)
T =={(1+r) -1|{1+r)=a= — =>n= : -1
B (it g e (e o R T I
Vi du 2: Thay Man Ngoc Quang mudhn sau 10 nim cé 3.000.000.000 (3 £ dong) d& mua
mot ngdi nha & HA NQL Hoi ring thay Quang phai giri ngén hang moi thang (sS tign
nhw nhau) 1a bao nhiéu? Biét 1ai sust méi thang 14 0.7%. -
. R ' ' _ Giai: - :
- Coi rang thay Quang giti tién vao thoi difm cudi thing, 4p dung cong thitc 13i kép,
giti hang thang: T, =£[(I +r) —1](1 +7}
- Thésd T,,, = 3000000000,r = 0,5% .
: _3000000000x0,7%
(1+0,7%)[(1+0,7%) ™ -1

~16 (tridu)

‘ - Vay mbi thang thiy Quang phai gid tiét kiém khoang 16 triéu vao ngin hing va lién

tuc trong 10 nam.

Céng thire 3: (Danh cho bai toan tra gop) GQI 56 tien vay 1a N, 13i suftli x, n la 56
thang phai trd, A 14 sd tién phdi tra vio hing thang d€ sau n thing 14 hét ng:
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Chinh phue diém 8, é, 10 bai tap tric nghiém Gidi tich.
' . Gidis
- Sotlengoccumthangl N+Nr—A=N(r+1)- 4
Cudi thang 2: [N(r+1)- Al+[ M ( (r+1)- Alr-4=N(r+1) A[(r+l)+l]

. Cuti thang 3: | N(r+1)’ —A[(rﬂ){rl]]_lfr)-g=N(-;+1) —A[(x+1). +(x+1)+1]

- Cui théng n: N(x+1)" =4 (x+1) +(x+1)" .. +(x+1)+1]
- Tra hét ng thi sau n théng, s& tién sé bing 0
S N(r+1) —A[(r+1}"' +(r+1)" 2+...+(r+1)+1]=0

@N(my'.—.;4[(r+1)""+(r+1) bt (re1)+1]

- Détyxr+1"
© - Taco: N.y"=A(y +y"’+ +y+1) 7
s A Ny _ Ny n(y l)zN(1+r)".r:>A=N_(1+r)"‘.r
(y"“ +y" +...+y+1) ¥y -1 (1+r)" -1 (1+r) -1

Vi du 3: Mot d:uec dién thoai Iphone 7 gi4 17.000.000 ddng duge ban tra g6p 20 Iin. M&i
1an trd gép voi sd tién 1a 1.000.000 ddng (lan dau tra sau Khi 18y dién thoai dugc 1
thang).Tinh 1a1 suft tién hang thang? . ' _

~ Giat:

- Apdung cc”)ng thikc 13i kép, giri hang théng: T = E[(l + r)." —1}

- Tién gia dién thoai ban dAu, sau 20 thang ting lén thanh T}, = 17000000(1+r)

[(1+n)" -1]

r

- Tucng 1’mg v6i phuong trinh sau: 17000000(1+7)" =1000000.

- Nhap tryc tifp phuong trinh vao may va gial bang SHIFT CALC (SOL@)

1+ )" 1]
X

I7000OOO (1 +X ) =1000000. [ . Ta dwege: r=1,6%

- Céng thu’c tong quat, dp dung luén khong can chtrng minh
L NA(1+r)?

[(I ) _] [(l-z-r) -—l] N.r.(1+r)'

=17000000] (1+7)" -1] =1000000.(1+ )"

" - B&m Shift Calc rdi doi ra két qua A 12 s6 tign pha1 tra gop hang thang, r 1a lai sudt theo
. thang, N la s& tién ban d4u ng.

146



. khangvietbook.com.vn DT: (028) 39103821- 0903906848

Cong thiec 4: (Rut 56 tiét kiém theo dinh ki) Thuc ra bai todn niy gifng bii 3, nhung

ta fai hleu 1a ngan hang ru;t tién clia ngwoi cho vay. Trai lzu 50 vO1 vay tra gop

O IRRTTATARNARALATRMCANLI LA ST e 40T SDTEEGATTER . KD ETSEETG, -

V1 du 4: Mot anh sinth vién duoc g1a dinh gid vao s§ het kidm ngén hang 3 tign 1a
" 8.000. ()00 dong lai sufit 0,9% thang
- a} Héi sau déng 5nam s8 tién trong s sé& la bao nhidu?Biét ring trong sudt thoi gian
. dé anh sinh vién khéng rat mét dong nao ca goc 14n 13t (lam trdn dén dong).
b) Néu mbi thang anh sinh vién d6 rit ra mdt s§ tién nhe nhau vao ngay ngan hang
tra l4i thi hang thang anh ta it ra bao nhidu tién (lam tron dén 1.000 dong) dé€ sau
dang 5 nim sé viza hét s8 tién ca vén lan 1a1? Lai sudt 0,9%/thang.
' : (D% thi HSG khu vwe -2013)
Giai: -
a) Ap dung cong thu’c I
5 nam =60 thing. 55 tien mmg 5612 8000 000.(1+ 0,9%)" = 136 949 346/(comg)

b) Néu gc_n: N 13 s8 tign g0c giri vao s8 tigt kidm
' Alas8tien hgngthéng maanh taritra
r(tinh %) lai sudt thi: '
Sau thang thit nhét s6 tién trong s6 con 1a1 la N (1 +r) A

;Sau thang thp: hai 56 tién trong so__con le_u la -
(N(er)a) (1w r)-4 =N (1+r) -a{(1+ r)+1)
Sau thang thir ba s8 tien trong s6 con lai 12
B (N(1+}) —a((1+ r)+1) )(1+-r) A= N(1+r)3—A((1+ r)2+1-_t~r+1)
| Sau théng thir e 8 20 trong s& con lai 1 o _
. (N(1+;:) _—A((_l+r) +l+r+l)(1+r)—A=N_(1+r)4—A((1+r)3+(1+r)2+(1+r)+1) '
' Sau thing thizn 53 tién trong s& con lai 1 |
'N_(lfrr)n—A((H rA)" ]-+-(1_+r)f Y e +(I+r)+1)=N(1+r)" —A M——l
Néu sau tAhéng thizn s&ti‘én trong 8 anh ta vira hét thi
'A(1+r)"—A. (1—+--'j—_}~ ;0:>N(1+r)”=A m §A=M
r N O (1+ 7)1
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Chinh phyc di#m 8, 9, 10 bai tdp tric nghiém Gisi tich

_ 8000000(1+0,9%)" 0,9%
(1+ 0,9%)" -1

=173142 (déng)

Nhan xét: Thyre chat thi bai todn trén gidng bai todn 3, vay tra g9p, trong toan vay tra

gop. thi ngudi vay ng ngan hang, con trong bai toan rit tién nay thi ngan hang ng
nguoi vay. Neén ban chét ciing khong co gi khac. :

| Cong thirc5: Gii tien theo ki han 3 thing, 6 thang, 1 nim,... . ,

Vi du 5a: Mot ngudi gied tiét kiém 200.000.000 dong (tién Vidt Nam) vao mQt ngan hang
theomtec ki han 6 thang véi 1ai suat 0,7% mot thang

a) Hoi sau 15 nam, ngudi d6 nhan duge bao nhiéu Hen ci vén Iin 13i ngén hang Bigt
ring nguoi d6 khéng it 13i & t4t ca céc dinh ki trede d6.

b) N&u so véi s8 tién trén, ngudi d6 giri Hiét kidm theo mirc ki han 3 thang vdi 1ai sust
0,65% mdt thang thi sau 15 nim s& nhan dugc bao nhigu tién ca vén Ian 1a1 ¢ ngan
hang? Biét riing ngudi dé khong rat 14i & t&t ca cac dinh ki tru’oc do.

Giai:
Ta quy 10 ndm ra cac ki han tuwong ung v6i hai phin a) va b)

15x12

a) 15 nam la —30k1han

L&i sudt theo dinh ki 6 thang L& 6x0. 7% 4.2%
15x12 '

b} 15 ndm la = 60 ki han

Lai sust theo dinh ki 3 thang 1a: 3x0.65% =1.95%
Céng thiee tinh 14i suft kép: 7, = 4(1+7)"
Véi: + 7, 1a tién vén 1n Iai sau » thang (ki han);
+ Alatién Vc“J’ﬁ ban dau; ‘
_ + nla s ki han trong cac [an tinh.
Kihan 6 théng: T, = A(l+r) =T, = 200000000(1+ 0,042)" ~ 687165844 (tridu)

- Kihan 3thang: 7, = A(I + r) = T,= 200000000(1 +0,0195)% ~ 637182446 (trigu)

Nhdn xét, ngin hing bao giv ciing wu tién 1di sudt cho ki han dai ngay hon, vi du nhutrong
bai todn trén, 1di suit ciia kinh thirc givi ki han 3 thing thap hon ki han 6 thing.

Vi dy 5b: Ban thuy Duong g tiét kiém 100.000.000 dong (txen Vit Nam) vao mét ngin
hang theomtzc ki han 6 thang v6i lai sudt 0,55% mét thing.

a} Hoi sau 10 ndm, ban Thity Duong nhin dwgc bao nhiéu tién ca von 18n 1ai ngén hang.
Biét rang ban d6 khong rat 13i & t4t ca cac dmh ki triede do.
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~a) 10ndm la

b 10 am I3

'b) Néu so véi s8 tién trén, Thuy Duong g tiét kiém theo mic ki han 3 thang vdi 14 sudt
0.53% mQt thang thi sau 10 ném s& nhan dwgc bao nhidu Hén c& von 14n 14i & ngan
. hang. Biét rang ban d6 khong rit 131 & t4t ca cie dinh ki trude dé.
- : . . Gidi: .
"Ta quy 10 nim ra céc ki han tuong {mg v6i hai phin a) va'b)

10x12

a) 10 n3m =20k han

- Lai sudt theo dihh ki 6 thang la: 6x0.55% = 3.3%
10 x12

b} 10 nam la =40kl han

L sut theo dinh ki 3 thang Ia: 3x0.53% =1.59%
- Cong thire tinh 1ai sustkép:T, = A{1+r)"

- Kihan 6 than T = A{1+r) = T,, =100000000(1 +0,033)" = 191 428 427 (ddn )
g 20 g

- Kihan 3 thang: 7, = A(1+r)" = T, =100000000(1+0, 0159)" =187 948 304 (ddng)

Vi du 5c: Bac Tufin giri tiét kiém 50. 000.000 dong (tién Viét Nam) vao méot ngan hang
. theomirc ki han 6 thang voi 13 sudt 0.72% mot thang.
a) Hoi sau 10 nim, bac Tuén nhin duge bao nhidu tién ci vén 14n 14 ngan hang Biét
rang ngufou a6 khdng rit 151 & t&t ca cac dinh ki treoc do.
b)Y Né&u so véi s8 tién trén, bac Tudn gii tiét kiém theo mtec ki han 3 thang voi 14 sudt
. 0.66% mdt thang thi sau 10 ndm s& nhin duge bao nhiéu tign ca von 1an 1ai & ngin
hang Biét rang ngum dd khéng vt 1l & tat ca chc dinh K trade do.
Giai:
Ta quy 10 nénfl ra cac Ki han tuong ¢mg voi hai phin a) va b)
-10x12 '
6

=20ki han

‘Lai suat theo dinh ki 6 thang 1a: 6x0.72% = 4.32%

10x12 _ 40kihan

. L3 sudt theo dinh ki 3 thang la: 3x0. 66% =1.98%
- Cong hec tinh 18 sudt kép:T, = A{1+r)

- I<1 han 6 thang: T, = A(1+r) = T, = 50000000(1+0,0432)* =116 493 832 (ddng)

- Kihan3thang: T, = A(1+ r)' =T, =50000000(1+0, 0198)* =109 539 388 (dong)

V1 dy 5d: Thay Man Ngoc Quang gtei 200 trigu ddng theo ki han 3 thang, 14 sudt 1 0,8%
théang. Sau 2 nim thay 18y ca vOn 1an 14} g ’aep ngan hang véi ki han 6 thang 13i suét
lad 82%/thang dhiroc 56 Tan ki han 14 (a: ki han). Sau d6 thiy phai rit tién ra dé mua

.- mdy san xudt kinh doanh Tac rdt ra thi dugc la 307.582.955 dong. Biét rang gt tién c6
Ki han la tinh 131 sudt vio cudi ki han d€ tinh vao ki han sau, con it trede ki han (rit

149

ARSI T DY e el SRR RIS G SERATu ATy TwleE (RN e



Chinh phuc diém 8, 9, 10 bai tap tric nghxgm Gidi hch

truede ngay cudi ctia k1 han) thi L suat duqc tinh theo 141 suft khong ki han 2%/nam.
Tinh 8 ki han (a) va 8 ngay giri khong ki han (b) Biét rdng hinh thirc khong ki han -

khéng dufqrc tinh theo cong thic 1ai kép.
. Giai: :

1) S8 tién nhén dugc ca von lén 13i sau 8 ki han 3 thang va sau 1 ki han 6 thang la:

" 20000000(1+3.0,8%)8.(146.0,82%)' = 253.680.994 (ddng)

2) 55 tién nhan duwgc ca von 14n 13 sau 4 ki han 3 thang va sau 2 ki han 6 thang 13:
20000000(1+3.0,8%)".(1+6.0,82%)2 = 266.162.989 (dng) _

© 3) S8 tign nhan duwoe c von Hin 13 sau 8 ki han 3 thang va sau 3 ki han 6 thing li:
20000000(1+3.0,8%)°.(1+6.0,82%)*= 279.257.274 (ddng)

4) S6 tign nhan duge ca vén 14n 131 sau 8 ki han 3 thang va sau 4 ki han 6 thing I3:
20000000(1+3.0,8%)8.(1+6.0, 82%)*= 292.996.732 (d‘c“mg)

5) 58 tién nhdn duge ca vin 14n 13 sau 8 ki han 3 thang va sau 5 ki han 6 thing Ix:
20000000(1+3.0, 8%)3 (1+6.0,82%)°= 307.412.171 (dong)

6) 58 tién nhén duwgc ca von 13n 1ai sau 8 ki han 3 thang va sau 6 kd han 6 thang la:
20000000(1+3.0,8%)5. (1+6 0,82%)5 = 322.536.850(dng)-

Tt bang tinh ta nhén thay rang néu ngoai 8 ki han 4 &1ang, thi thém 5 ki han 6 thang s& ¢6
58 tién thu duroe nhigu hon g1a thiét 307.582.955 dbng, vay ching ta c6 thé két luan rang.
thay da gui 8 ki han 3 thang va 5 ki han'6 thang. Tuy nhien chiing ta chua biét réng c6

bao nhleu L ngay giei khong ki han, ta s phuorng trinh sau:
307582955 —20000000(1+3 0 008)3 (1+6.0,0082). (1+ 0, 02 b) 0

- Bam shift + Solve ta duqc b=10 ngay.

0J Bai todn ning cao :
Bai toan ngin hang khi cé 1ai suat thay dox _

Ciu1: Ngan hang A vira qua da thay d6i lién tuc 1ai suat titn gui tiét kiém. Bac Khai gtn s&
tién tiét kiém ban dau la 30 triéu dong véi 1ai sudt 0,8%/ thang. Chura ddy mét ndm, thi |
1ai sudt ting Ién 1,2%/ thing, trong ritra nim ti&p theo va bac Khai da hep tuc gir; sau
nira nam d6 Iai sudt gidm xudng con 0,9%/ thing, bac Khai tiép tuc gi thém mdt s6
thang tron nita, khi it tlen bae Khai duge ca vén 13n I 1a 35.956. 304 69 dong (chura Jam
tron). Hoi bac Khai da gid tiét kiém trong bao nhleu thang?

A3 thang B.15 thang ' C.1 thang ‘D. 19 tha.ng

'Cau 2: Mot s8 ngan hang lo'n trén ca nudc vira qua da thay déi lién tuc 14 suat tién gixi
tlet ki¢m. Béc Yén giri s0 tién ti& kiém ban dau la 100 triéu dong vdi 1ai suét 1, 3%/
thing. Chura day mot nim, thi 131 sust giam xudng1, 2%/ théng, trong nira nim tigp
theo va bac Yén da ti€p tuc gui; sau nira ndm &6 lai sudt gidm xubng con 0,9%/
théng, bac Yén tiép tuc guri thém mot 8 théng trdn nita, khi ritt tién bac Yén duge i
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v&n 1An 131 13 120.436.748 dong (chura Jam tron). Hoi bac Yén da gl tiét kiém trong
‘bao nhiéu théng?
A13théng - . B.15 thang C. 17 théang D. 19 thang
Cau 3: Ngan hang Techcombank vira qua da thay d6i lién tuc 13 sudt tién gi tiét kidém. Bac
Phong giri s8 tién tiét kiém ban dau 13 500 triéu dong véi 1ai sudt 0,7%/ thing. Chua day
. mdt ndm, thi 14 sudt ting 1én 1,1% / théng, trong nita nam & theo va béc Phong da tigp
- tyc giti; sau nira ndm d6 1 sudt gidm xudng con 0,6%/ théng, bac Phong Hép tuc giri
thém mét s8 thang tron nita, khi Gt tién bac Phong duge ca von 1an 13i 12561217349,7
~ dong (chua 13m tron). Hoi bac Phong da gixi tiét kiém trong bao nhiéu thang.
Al3thang B.15 thang C. 17 thang D. 19 thang

BAI TOAN SO SANH THU NHAP KHI LAM VIEC
S HAI CONG TY KHAC NHAU

Ciu 4 Do t8t nghidp. thi khoa khéa BK60 khoa CNTT - PHBK Ha Noi nén Tam dugc
- hai cOng ty trong rwrde moi vé 1am viée voi ché d6 tra hxcmg theo cac phuong an sau:
- Céng ty M: Mirc luong lam viée thang déu tién cho cong ty 12 25.000.000 ddng/ thang. K&
tir théang tht hai miic luong s ting thém 200.000 mbi thang.
- Cong ty G: Mtxc luong lam vige thang dau tién cho cong ty 13 15.000.000 dong/ thang, .
mic hrong s& duroc ting thém 2,33% moi théng s voi mukc lrong thang trude do. '
DR 6 tidn maua mdt cin chung cu cao cAp tai thi d6 Ha Noi Tam can mot Khoan tién 1ém
- sau 5 nim lam vige. Hoi Tamnén chon cdng ty nio trong hai cdng ty trén?Va s8 tién nhin
dugc tir cong ty ban &y chon la bao nhiéu (lam tron dén hang don vi)? Biét rzmg ban &y
1am vige chim chi va ludn dugc téng hrong déu dan.
A. Chon céng ty M va nhén dugc 1.854.000.000 déng.
B.Chon cong ty G va rthan dwoc 1.920.198.172 dong.
C.Chon cbng ty M varthén dugc 1.954.000.000 dong.
. D.Chon cdng ty G va nhan dugc 1.710.773.091 dong.
Cau 5: Sau khi di du hoc Havart My v&, ban Tuyén rét théng thao tiéng anh, khi ndp don
xin viéc thi dwoc hai céng ty trong nude moi vé lam viée ngay véi ché df tra luwong
_ theo cac phuong én saw:
i : Cong ty M: Mikc Inong lam viée thang dau tién cho cong ty 12 50.000.000 dong/ thang. K&
Lo tir théng thit hai mic leong sé tang thém 200.000 mdi thang.
: - Cong ty G Mizc luong fam viéc thang dau tién cho cong ty 1a 20 000.000 déng/ thang,
mizc lwong s& dugc tang thém 2,5% mdi thang so véi mie leong thang trede do.

Dmua nha Tuyén din mét khoang tién 16n sau 5 ném lam viéc. Hoi Tuyén nén chon
céng ty nao trong hai cng ty trén?Va 8 tién nhén duoc tlr cong ty ban dy chon la bao
nhidu (1Am tron dén hang don vi)?Biét ring ban Ay lam viéc chdm chi va luén duegce
ting luong déu din. ' '
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A.Chon cong ty M va nhan duoc 1.711.000.000 ddng.
B.Chon cdng ty M va nhan duot 3.354.000.000 déng.
C. Chon cdng ty G va nhan duoc 2.719.831.799 ddng,
D.Chon cdng ty G va nhan dugc 1.710.773.091 déng.
Cau 6: Ban Ngoc Anh sau khi t6t nghigp Dai hoc Ngoai Thurong thi dugce hai cng ty
trong nuéc moi vé lam viée véi ché d§ tra livong theo cdc phuong an sau: :
- Céng ty M: Miitc lrong l1am vige thang dau tién cho eéng ty Ia 20.000.000 ddng/ thing. K&
tir thang thiz hai mitc luong s8 ting thém 200.000 mdi thang. , :
- Cong ty G: Mitc lwong 1am viée thang diu tién cho cong ty 1a 15.000.000 dbng/ thang,
mitc luong s& duoc ting thém 2% mbi thang 8 véi miec luong thang triede d6.
D& ¢6 tién gitip bG me x4y lai ngdi nha khang trang thi ban Ngoc Anh can mét khoan tién
16n sau 5 ndm [am viéc. Hoi Ngoc Anh nén chon c6ng ty n3o trong hai céng ty trén? Va
s6 tién nhan dugc tie cdng ty ban &y chon 1a bao nhidu (IAm tron dén hang don vi)? Biét -
réng ban &y lam viéc chém chi va luén duge tang luong déu din.
A. Chon cong ty M va nhan dwoc 1.711.000.000 déng.
B. Chon céng ty G va nihan dugc 2.023.453.511 ddng,
'C. Chon cong ty M va nhian dugc 1.954.000.000 déng,
D. Chon céng ty G va nhan duoc 1.710.773.091 dong.

LI GIAI CHI TIET

Bai to4n ngan hang khi ¢6 13i suét thay déi

- Caul:DdpanD. o

- Goi x 1a s8 thang glri v6i 1ai sudtr, =0,8%/ thang, y 1a s& thang grri véi 13i sudt
I, =0,9%/ thang thi s§ thang bac Khai da g tist kidm 1 x+6+y, (-x,ye N').
Khi 46 s tign guri ¢a vén 14n 1ai La: (1, =1,2%) |

T=30000000(1+1,)".(1+1,).(1+1,) =35956304,69

<> 300000001 +0,8%)".(1+1,2%)’ .(1+0,9%) = 35956304, 69

' | 35956304,69 .

7% 30000000.1,012°.1, 009"

- 'Dimg chizc niing TABLE cita Casio d gidi bai todn niy:
35956304, 69

30000000.1,012°.1,009%

< x=log, s

' v B&m MODE 7 nhp ham £(x)= 108, e

v’ Méy hoi Start? ta #n 1= O w Fo ™
¥ May hoi End? ta dn12= L5 - 5{8a 13Uy
Y MéyhéiStep?tadni= . . B

i
5« 7155
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x=77
y=6

- Vay bag Khai da gixi tiét kiém trong 19 thang.

- Ta thiy véi x=6 thi F_(x)z'i.Dodétaco':{

| Bink lugm; Khi c6 nhitu lii suf; chiing ta chi j déh cong thike T, =a(1+r)" (*)
- Vi thé ta c6 cong thirc tinh tong qudt s&'tien thu dwgc cb gBC va 14i sau mit logt cdc mike lai
suat khdc nhau vd s8'ki han giri khdc nhau. : :
T= A(1+}|) (1+J ) (1-5-73)
. & ddy, r1itng voi lai sudt dot giei x ki
ri teng vGi 140 sudt dot giei zki
; 73 thng véi 1 sudt dot giei yki
- Visd'thing giri 1 trom nén chiing ta sé st dung chikc ning Table dé do gm tri nguyén cia 2
bign. Trong bat todn ta c6 gid tri clia z = 6 76i, ta im bj s6 nguyén x va y higu qué bang
; Caszo nhwtrén bailam. -
. Cau2: Pap én C; _ ,
T=100000000(1+1,)".(1+1, ) .(1+1,) =120436748
100000000 (1+1,3%)".(1+1,2%)".(1+0;9%)’ = 120436748
1204367438
100000000.1,012°.1,009”
- - Dimg chtzc ning TABLE ciia Casio d& giai bai toan nay:

| 120436748
B MODE 7 nhdp hom ()= 108, s om0 ==

‘:_’ X= 1081,013

1,009%
P v May hoi Start? ta dnl = " Katn
£ ¥ May hoi End? ta 4nl2= :

o v Mgy hoi Step? ta &nl = . g

s'll- DDDDDUDSI

- Ta thé’y.vc‘ri x=7 thi F{x)=4 Do dé ta c6: {
- Viay bac Yén da gixi tiét kidm trong ang.
. T Cau3:DépinB.
i T=500000000(1+x) (1+5,)° .(1'+r ) =561217349,7
e 500000000 (‘1%06%)" (141,1%)".(1+0,5%) = _ 561217349,7
561217349,7

_ 181005 500000000.1,011°.1, 005" _
- Dinig chic ning TABLE ciia Casio d¢ giai bai toan nay:

S X=
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) . 5612173497
¥ Bam MODE 7nhép ham £0)=108 a0 £50050000.1, 017 1,005°

v May héi Start? tadn 1 =
¥ Méy hoi End? ta 4nl2=

¥ May hoi Step? ta dnl = 0o ThE :
: _ ' 5. 000000004

' . x=5

- Tathiy véix=4thi F(x)z5.Dodc'>tacc’):{ 4

- Vay bac Phong da giri tiét kiém trong 15 thing.

BAI TOAN SO SANH THU NHAP KHI LAM VIEC
S HAI CONG TY KHAC NHAU

Céu 4: Dap an B. :
¥ Goi Un la mizc luong ctia Tam & thang Jam viée thit n cho céng ty M.
- Theo gidthidt, ta c6 U, =25000000, U, =U, _, +200000. D4y 13 CSC véi cong said=
200000. Mbi ndm c6 12 thang do dé 5 nim c6 60 thang hayn = 60 l
- Nén tdng s6 tién TAm nhan dwoc sau 5 ndm: ' '
_n[2U, +(n-1)d] _e0[2. 25000000 +(60-1).200000]
0~ 2 2
v Goi Un [a mixc luong ctia TAm ¢ thang lam viéc thir n cho ¢dng ty G.
- - Theo g1atl’uet ta c6 V, =15000000, V_ V b ¥2,33%V, Day 12 CSN véi cong boig=

0,0233. M6i ndm c6 12 thang do dé 5 nim cé 60 thang’ hayn 60
- Nén tdng s3 tién Tam nhan dwoc sau 5 nam:
v,[ (1+q)"~1] 15000000] (1-+0,0233)" - 1]
2= g ) 0,023
- Véy Tam nén chon cdng ty G va nhén duoc 1920 198 172 dong

= 1854 000 000 dbng

=1920198 172 ddng

| Binh Iudn;: 2 bai todn nay khong phdi 13 giti ngdn hang nhung ciing lién quan dén ting lai |
sudt, cong ty M khdi diém luong cao htm nhwng tiing mbi thing mot & tien c6 d‘mh cldp so'::
cfng cé cong sai: d. :

n[zU, +(n-1) d]

: : _ - 2 .

| - Cong ty G thi khoi diéi liwong thip hon, nhung miec liong ting theo cip 56 nhin (1+7), v6i

1 & phiin trim tiing sau mbi k. :

Bai todn nay ta cin nhé dén t6ng cla didy s6'thudc cap s6'cong: S, =
Y 1y { i

’ ~1
- Ta ciin nhé tong ctia day 56 cha cap s6 n}mn S = __L{’_H]__J_
: P
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Cau 5: Dap 4n B.
n[zU +(n-] d] 60[2 50000000-+{60~1).200000 |

,/ CongtyMS = o > = 3354 000 000 ddng

BRI ,[(l_+q)"_—l] .

. Cong ty G:8yy = ——— =2 719 831 799 dong

S q ,
- Vay Tuyen nén chon cong ty M va nhan duoc 3 354 000 000 dong
_ Cau 6: Bap an D

v Cong ty M:
- Tong 58 tién Ngoc Anh nhan duoc sau 5 nam:
_a[2U;#(n-1 d] 60[2 20000000 +{60-1) 200000]
=1 554 000 000 dong

0= 3 7 3
v Gbi Unka mec lrong cta Ngoc Anh & thén"g lam viée thie n cho cong ty G.
v, [(1+q)" —1] |
Spp=—————= =1710773 091 ddng

L= Vay Ngoc Anh nen chon ¢ cong ty G va nhén duoc 1710773 091 dong.

BAI TOAN VE CONG ’I'HUC LOGARIT:
| poNG DAT, TANG TRUONG DAN $0....

- Chung ia cung co cong thu'c ting trwdomg din si'theo: P P(1+x)

-Pla dan 50 bam diu, rla mu’c t.v;mg frudng trong 1 ki.

- D61 khi ta cung cb cong thire: S = A. e"’ ( Trong dé A 14 din 56 cita niim ldy lam méc tinh, S

Cau 1: T1 Jt tang dén 8 hang nim & Viét Nam dwoc duy tri 0 mitc 1,06%. Theo s6 liéu
cita Téng Cuc Thing K&, dén s8 ctia Viét Nam nim 2016 1a 94.444.200 ngudi. Vi tdc
- do téing dan s6 nhu: the thi vao nim 2025 thi dan s8 ctia Viét Nam la:
A.103.845.800 nguedi s B.107.232.574 nguoi
C.108.049.810ngudi 3 D.106.118.331 ngudi
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Cau 2: Ti 18 ting dan s§ hang nim & Viét Nam duge duy tri & mic 1,05%. Theo s§ ligu
cua Tong Cuc Théng K&, dan s& ctia Viét Nam ném 2016 13 94.444.200 ngudi. Véi t8c-
d9 tdng dan s& nhu the thi vao nim 2030 thi dan s8 ciia Vist Nam [ :
A.109.316.003 nguedi - B.107.232.574 ngwedi

| CI98.049810mgui - D.106.118.331 ngudi :

. Céu 3: Ti I& ting dan 56 hang nim & Viét Nam duroc duy tri & mizc 1,05%. Theo s6 liéu
ctia Tong Cuc Théng K&, dan s6 ctia Viét Nam niim 2014 13 90.728.900 ngudi. Véi téc
do téng dan s8 nhir thé thi vao nim 2030 thi dén s6 ciia Viét Nam 1a bao nhjéu?
A.107.232.573 nguoi B.107.232.574 ngudi
C.105.030.02nguwsi D.106.118.331 ngudi _

Cau 4: Biét ring nim 2001, dén s& Viét Nam 13 78.685.800 ngudi va ti 18 ting dén s6 nim

. 4614 1,7%. Cho bist sw tang dan s8 dugc 126c tinh theo cdng thitc S = Ae™ (Trong d6
A:la dan s§ caa ndm Idy lam méc tinh, S 1a dan s6 sau N nim, r 13 i 18 ting déan s8
hang nim) ctt ting dan 6 véi t 18 nhu vy thi d&n ndm ndo dan s& nude ta & mirc 120
triéu ngudi. ' ' SR o

(A.2026 - B. 2022 : C.2020. - D. 2025

CAu 5: Biét ring niim 2001, dan s& Viét Nam 12 78.685.800 nguoi va t 16 ting dan s6 nim
d6 1a 1,667%. Cho biét su ting dan s6 dwroc wde Hnh theo cdng thirc S= de™ (Trong
d6 A:1a dén 56 ctia ndm 14y lam méc tinh, S 13 dan s& sau N niim, r 12 18 ting dan s6
hing ndm) ct¢ ting dan s8 véi ti 16 nhur vay thi d&n nm nao dan s6 nudce ta & mite 120
triéu nguoi. o o
A. 2026 - B2022 - €020 © 7 plaoy

Ciu 6: Biét ring ngay 1 théng 1 n¥m 2001, dan s§ Viét Nam I3 78.685.800 ngudi va ti 18
ting dan s6 ndm &6 13 1,7%. Cho biét sy ting dan 6 duge wde tinh theo cdng thizc
S=4e™ (trohg d6 A: 12 dén s ctia nim 18y Iam mdc tink, S 13 dan s& sau N nim, rla
ti I¢ ting dan s& hing ndm). Cir ting dén s6 véi i 16 nhur vay thi dén ndm nao din s3 ‘

| nude ta & mike 120 triéu ngudi. (K&t qua 6 thé tinh & mice X&p xi) _
A.2026 B. 2022 ' C.20200 ' D.20%5

Cau 7: Biét rdng ngy 1 thang 1 ndm 2001, dar s6 Viét Nan I3 78.685.800 ngudi va ti 18
tang dan s& nam d9 1a 2,0%. Cho biét su ting dan s6 duogc wdc tinh theo cong thirc
S=Ae™ (trong d6 A: 12 din s& clia nim lay 1am mé&c tinh, S 14 dan s8 sau N nim, rla
ti 12 ting dan s6 hing nim). Cir ting dan 8 véi i 16 nfwr'vay thi dén nim oo din &
nuée ta & mirc 130 triéu ngudi. (Két qua c6 thé tinh & miré x&p xi)

A2026 . B2022 . C.2020 = . 'D.2025

CAu 8: Dan s& thanh phd A 1a 200.000 ngudi, ting tredng 3% ndm, va cta thanh phd B

12 300.000 ngudi ting truéng 1% nim. Sau bao nhidu nim th dan s8 hai thanh phd
béng nhau, dap n gin nhat véi s nim thic t¥nhat 137 _

A:20 B.21 C.22 . D23
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Cau 9: Ti 1§ tz“mg dan s8 hang ndm cta Viét Nam 14 1%. Nam 2010, dan s8 nudce ta la
88360000 ngudi. Sau khoang bao nhidu ndm thi dan s nudc ta s 1a 128965000 ngudi?
Gia str i 18 ting dan s8 hang nim 1a khéng thay déi.

A.36 B.37 C.38 D.39

Céu 10: Gia str vao cudi ndm thi mgt don vi tién t& mat 10% gia tn 50 véi dau nam. Tim
s nguyen du'fmg nhé nhat sao cho sau 7 ném, don vi tién té s& mat di it nhit 90% gia
trj chia né?

A6 B. 18. C. 20. D. 22.
Chn 11: Két qua théng ké cho biét & thoi diém 2013 dan s§ Viét Nam 14 50 trigu ngudi,
t8c 46 ting dan s 14 1,1%/ndm. Néu mirc ting dan 58 &n dinh & mite nhuz vay thi dan
. 8 Viét Nam s& gip déi (dat ngudng 180 tridu) vao ndm nao?
A. Nam 2050 B. N&im 2077 C. N&m 2093 D. Nim 2070
- Ciun 12: D& dam bao didu kién sinh séng cla ngudi dan tai thanh phd X, mét nhém cac
nha khoa hoc cho biét vdi cac didu kién y t€, gido duc, co s ha ting,... cla thanh phé
thi chi nén ¢6 5 da 60.000 ngudi dan sinh sdng. Céc nha khoa hoc cfing chi ra rang

- dan s8 duge wdc tinh theo cong thite $=Ae"™ | frong d6 A 1 dan s8 cia nim duge:
18y Thm méc tinh, S 1a d4n s8 sau n n3m va i Ia ti 18 ting dan s§ hing ndm. Biét rang -

vao dau nam 2015, thanh phd X cé 50.000 ngudi dan va ti 18 ting dan s 1a 1,3%. Hol
trong ndm nao thi dan s& thanh phd bit diu vugt ngudng cho phép, biét rang s6 ligu
" chi dirge 1y vio diu mBi nim va gia thidt ti 16 ting dan s8 khong thay d6i?

A.2028 , B. 2029  C.2030 D. 2031

Ciu 13: Ngay 1/7/2016, dan s8 Viét Nam khoang 91,7 triéu ngudi. Néu i 18 ting dan s§
Viét Nam hang nam la 1,2% va 1 1¢ 6n dinh 10 ndm lién tiép thi ngay 1/7/2026 dan s6
Viét Nam khoang bao nhiéu trigu ngudi?
A. 1043 tridu ngudi - B. 103,3 trifu nguedi
C. 105,3 tridu ngudi D. 106,3 trigu ngudi

Cau 14: Dén s8 thé gidi duge wde tinh theo cong thire S=Ae™ trong d6: A la dan 58 cia

nim 18y méc tinh, S 1a-dan s8 sau N n3m, r 1 ty 1¢ ting dén s& hing nim. Cho biét
n¥m 2001,-dan s8 Viét Nam c6 khodng 78.685.000 ngudi va tf 18 ting dan s8 hing nim
14 1,7% mét nim, Nhw vy, néu ti 18 ting dén s8 hing nam khong ddi thi dén ndm nao
dan s8 nudc ta & mike khoang 120 triéu nguedi?
A. 2020. B. 2026. c.2022. D. 2024.

Cau 15: Nm 2000 x3 A ¢6 10.000 ngudi. Véi mikc ting dén s8 binh quan 2% hing ndm
thi vao ném nao dan s& ctia xa sé vurgt 15.000 nguedi?

CANEm2022 © B.N&m2020 'C. N#m 2019 D. Niém 2021

Cau 16: Cho biét sw ting dan s3 duoc wéc tinh theo cong thizcS = 4™ ( trong d6 Al
_dan s8.cria nam Iay 13m mdc tinh, § 14 din 56 sau NV ndm, 7 12 ti 18 ting dan s0 hang
nam) Dau nam 2010 dan s& tinh Bic Ninh 1a 1. 038.229 ngudi, tinh d&n diau ndm 2015
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Chmh phuc di€m 8 9,10 bai tip tric ng}uem Giai tich

dén s8 cta tmh 13 1.153.600 ngu'cn Hoéinéu ti 18 tang dan 56 hang nam gitt nguyén thi
dau'ndm 2025 dén s6 clia tinh ndm trong khoang nao?

A.(1.424.300,1.424.400) . -B.(1.424. 000;1.424. 100)
(1 424.200;1.424. 300) S D.(1.424. 100-1424.200)

- Cau 17: Dan 56 th& g10'1 duoc wdc tmh theo cdng thitc S= Ae" , trong d6 A 1a dan s8 cta

ndm 18y lam mdc tinh, 513 dan s6 sau n ndm, i 14 ti 1 ting dan s& hang ndm. Biét ring
‘ndm 2001, dan s8 Viét Nam la 78685800 ngudi va ti 18 ting dan s6 14 1,7%. Hoi ok ting
- dan s8 vdi ti 1& nhuz vay thi dén ndm nao dén s6 nudc ta & mirc 111 triéu ngudi?

‘A, 2020 , B. 2021 - C.2019 : D. 2018

“TANG TRUONG

C4u 18: Trong ndng nghiép, béo hoa dau duge ding Iam phén bén, nd rét t6t cho ciy
t:‘c‘)ng.,Méi dé.y mot nhém cde nha khoa hoc Viét Nam da phat hién ra béo hoa dau co
thé dugce diing d& chiét xudt ra chit c6 tac dung kich thich hé mién dich va hd trg didu
tri bénh ung thw. Béo hoa din du‘ofc tha nudi trén mit nude. Mt ngudi 43 tha mot
legng beo hoa dau chiém 4% d1en tich mit ho. Biét rang C sau dung mdt tudn béo

- phat trién thanh 3 [3n luorng da ¢6 va tdc 4 phat trién ciia béo ¢ moi thoi diém nhu- '
- nhau. Sau bao nhiéu ngay béo s& vira phti kin m3t hd? _
S A7xlog,25 B.S% T o 2 23—4 © D.7xlog,24

Cau 19: Ngudi ta tha mot cay béo vao mdt ho nixde.Gia st sau 9 gid, beo sé smh 56i kin

ca mit hd. Biét ring sau mbi gmr, lucmg beéo téng gip 10 Iin luo'ng béo trudc dé va tbe

1
- dé tang khong d6i. Hoi sau mdy gio thi béo phu kin 3 cai ho7

A B g 9—10g3 D. 2
: 3 log3

Cau 20 Ngu'cn ta tha mét-it 1a beo vao- ho nuéc: Biét rang sau 1 ngay, béo sé sinh sbi kin
ca mat ho va sau méi gio, lucmg 14 béo ting gdp déi so vai trude &6 va tdc dQ tang
khong 601 H01 sau may gid thi J& beo phu kin ; hd? .

‘A.log(22‘.'—3), B.24-10g23 oz - p®
? ) ' 3 . log,3

Cau 21: Mot khu rieng cé triz hrong gb 4.105 mét khéi. Biét tdc 46 sinh trudng ciia cac ciy
* & khu rimg d6 12 4% mdi nim. S8 mét khéi gb ciia khu rieng d6 sau 5 niim La:
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A, 4.10°.(1+0,00° B. 4.10°.(1+0,4)°
C. 410°(1-0,04° D. 4.10°.(1+0,04)°

Cin 22: MQt khu rimg ban dau o trit lugng g 1a 4.10° mét khdi gb. Goi t8c db sinh
truémg mbi ném cta khu rimg d6 Ia a% . Biét sau ndm nam thi san lu'cmg 20 la x3p xi
4,8666.1_05 mét khéi. Gia tri chia @ x8p xb: ‘
A.35% . B4% C.45% ' D.5%

Ciu 23: M6t khu ring co trie lueong g 4.10° mét khai. Biét tdc 46 sinh trudng clla cic
ciy trong khu rtng d6 1a 4% mAi nam.Sau 5 nam khu rimg d6 s& cb bao nhidu mét

khai gb?
A.4.10°114° () B.4.10°(1+0,04°) (")
C.4.10° +0,04° (’) ‘ D.4.10°.1,04’ (m’)

Céu 24: Mot bé nede ¢o dung tich 2m3. Ngudi ta mé vdi cho nuéc chay vao bé (ban ‘dau
bé can).Trong gitr dau, van tdc nude chay vao b&1a 1 lit/phut. Trong céc gio tiép theo,

. vin t8c nude chay gid sau gdp dbi gid trude. Hoi sau khoang thoi gian bao 1au thi b8
day nuée? ‘ _
A_ 14915 gidy B.3,14 gity C. 350 phut D. 5,14 phut

Céu 25: Trong ndng nghi¢p béo hoa dau dugc ding lam phén bon, né rat t6t cho cay
trong. Mdi day mdt nhém céc nha khoa hoc Vigt Nam ¢4 phat hién ra béo hoa dau ¢t
thé duge diing d€ chiét xuét ra chat cé tac dung kich thich h¢ mién dich va hé tro digu
tri bénh ung thwe. Béo hoa du duge tha nudi trén mit nwede. Mot ngudi da tha mot
lufong bio hoa diu chiém 4% dién tich mat hb. Biét ring ct sau ding mdt tuan béo
phat trifn thanh 5 [in lugng di c6 va t8c dd phat trién ctia beo & moi thoi diém nhuw
nthau. Sau bao nhiéu ngay beo s& vira phit kin mgt ho?

3 .

A.la B.37 C. 7x% | D.7x10g3 24

Cau 26: Mot b& nuzorc cé dung tich 1000 lit.Ngudi ta mé voi cho nwéc chay vao bé, ban
&au b€ can nueée. Trong gid dau vén tdc nude chay vao bé 1 1 lit/1phat. Trong cac gid
1i8p theo vin t8c nuéce chay gid sau gdp doi gio lign truwde. Hoi sau kKhoang thoi gian
bao lau thi b€ day nudce (k&t qua gan ding nhét).
A314g10 - B.4,64gid. C414g10 D. 3,64 gio.

- Cau 27: Mbt ngudi tha 114 béo vao mét cai ao, sau 12 gidy thi beo sinh 61 phtt kin mit a0.

‘Hbi sau miy gid thi béo phu kin % mit ao, biét ring sau mdi gid thi lwgng beo ting
gp 10 Tan lueong beo trwde d6 va tc dd ting khdng asi.

- AL 12-log5 (gid). B.%(gib). C.12-log2 (gid). D.12+In5 (gid).
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Giéi-tich

Cau 28: Mt khu rimg ¢6 trix lwong gb 7.10° mét khéi. Biét 6 44 sinh trieéng cua cic cay
¢ khu rimg d6 14 5% méi ndm. Sau'5 nam khu ring d6 sé 6 s8 mét khai g 1a:

A.7.10°(1+0,05°. . B.7.10°.0,05°. C.7.10°(1-0,05. - D.7.10°(2+0,05)°.

PONG PAT

Cmmg d6 mjt trin dong dat duwoc tinh béi cong thirc M=logA — logAa, vl A la bién do nmg
' chan 51 da va Ao Ia bién d¢ chudn (hang s6°). _ _ ;

5 Ap'dyng cong thize: logAs -IogAu= ]ogA—'

Cau 29: Cuong 46 mét trén ddng dat duoc tinh boi cong-thixe M=logA —logA., véi A la |
bién d6 Tung chan t6i da v Ao 13 bién d6 chusn { hang 8 }- Vao ndm 2011, mébt trin
déng ddt o Nhat Ban ¢ cuomg 36 do dwoc 129 d6 Richter. Trong cting ndm d6, tran
ddng dét khac ¢ Tie Xuyén-Trung Qudc c6 cuong 46 do dugcla 7 db Richter. Héi trén
ding dét & Nhat Ban ¢6 bién d6 gdp bao nhidu Ian trin ddng dat ¢ Tit Xuyen—Trung
Qudc? . . _

A.10fan , B.100 fan C 1 000 fan D.10.000 {an-

- Céu 30: Cuong dé mdt trdn dong dit (richter) dugc cho boi cong ‘thire M=logA -logA,,
véi A la bién dd rung chin t8i da vaAda mét bién do chudn (hang s8): Dau thé ky
XXI, mét trin ‘d9ng dat oKumamoto o6 cudng 46 8,5 dd Richter. Trong cting ndm d6,
trgn dong ddt khdc Nam My c6 bién dé manh hon gap 3 lan. Cudng A9 cia tran dong
d&t & Nam My 1a: o
AB9 : B.33,2 - C2,075 D9

Ciu 3% Cuong do mot tran dong dét M (richter) dugc.cho béi cdng thire M= =logA —logA.,
v6i A la bién d§ rung chén t6i da vaAcla mdt bién d6 chudn (hing s8). Dau the ky XX,
mot tran ddng dit & San Francisco ¢é cuong dd 8,1dd Richter. Trong ciing nim dé,

- trdn dong dat khdc Nam My c6 bién dd manh hon g&p 4 l4n. Cudng d9 cua trin dong
dét & Nam My la:
A87 B.332 C2,075 . Da1.

Ciu 32: Cuong d6 mét trén dong d&t M (richter)duroc cho boi cong thire M = logA logA

v6i Ala blen as rung chén t5i da va A4, 1a mdt bién dd chuén (hing s8). Dau the ky

XX, mdt trin déng dat ¢ San Francisco cd cudmg 46 8,3 d6 Richter. Trong clng nim

- d6, trdn déng a4t khac & Nam My c6 bién do manh hon gép 4 I'é‘m Cu’ong do ctia tran
dong dat & Nam My 1a: _ '
A®L2 B 1 C.89 . D.20%5
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- Cdu 33: Cudng d6 mét tran déﬁg d&t M dwoc cho bai cong thikc: M = log A —log Ay, véi
- Alabién d§ rung chin t6i da va A 1a mét bién d% chufin (hing s8). Diu the ky XX,
mt trin ddng d4t & San Francisco cé cudng d 8 df Richter. Trong ciing nim dé, tran
dong dat khdc & gan d6 do dwge 6 db Richter. Trén dong dat & San Francisco ¢6 bién
% g4p bao nhiéu Iin bién db tran déng a5t nay?
At o g3 C.20 D. 100
T3 o 4 _
- Céu 34: Cudng 44 clia mdt trén dong dét dugc do bing d6 Richter. S Richter dugce tinh
bing céng thirc M =logA-log4,, trong d6 4 12 bién A6 rung t5i da do duroc bing
dia chan k& va Ada bifn dé chusn (hing $8). Vao ngay 3 - 12 — 2016, mét trin déng
dat cwdng @9 2,4 d% Richter xay ra & khu vizc huyén Bic Tra My, tinh Quéng Nam;
conngdy 16—10-2016 xay ra mdt trin dong dat cudmg 46 3,1 d6 Richter & khu vire
- huyén Phirde Son, tinh Quéng Nam. Biét ring bién d6 chuin dugc dung chung cho ca
tinh Quang Nam, héi bién d§ t6i da ctia tran dong dat Phudce Son ngay 16-10 gép
. Khoang may Tan bién d6 16t da ciia trin déng dét Bic Tra My ngay 3~122
A.7 Bin . B.5In C. 4 Iin, D. 3 Ian,
(Cdu 35: Gia str ctt sau mot ndm dién tich rimg cia mzdc ta giam x phén trim dién tich
" hign 6. Hoi sau 6 n&m diém tich rimg ctia nude ta s¢ 13 bao nhicy phin dién tich hién

nay? :
' X 6 . ’ - » x 6
A.]-(—~) © B.100% B o) D. 1---}.
_ 100, . 7 100 100
Ciu 36: Cudng a3 cta mdt trén dong dat duoc do béng d6 Richter duwoc tah boi céng
- thicM =log A~log d,, trong d6 A 1a bitn d9 trung t5i da do duwoc bing dia chan k&
va 4,12 bién @6 chusn (hing s8). o
-_V‘ao sang ngay 03/12/2016, mét. tran dong déat cuéfﬁg d¢ 3,5 d§ Richter xay ra & khu
vuc huyén Béc Tra My, tinh.Quang Nam; edn vao ngay 16/10/2016 xay ra mdt tran
déng dat cudmg d6.4,1 dd Richter & khu vizc huyén Phurde Som, tinh Quang Nam.
Biét r&ng bién d¢ chudn 4, duge st dung chung cho ca Hnh Quéng Nam, hoi bién dd

161 da clia trin dong dat ctia Phude Son ngay 16/10/2016 gap méy lin bién d6 t5i da

cla tran déng 4t & Bic Tra My ngay 03/12/2016,
A5 - . Bg : C.0,7 D.7

- TANG TRUSNG VI KHUAN

Cau 37: Su téng tnrong ctia loai vi khudh tuan theo cong thitrc = Ae’, trong d6 4 13 58
Iigng vi khuan ban diu, 7 13 t 18 ting trueong (r > 0),¢ 13 thoi gian tdng trudng. Biét
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Chinh phuc didm 8, 9, 10 bai tip tric nghiém Gidi tich

& vi Khugn ban du 1a 100 con va sau 5 gi¢r ¢6 300 con. Thoi gian dé vi khudn ting
gap ddi s6 ban dau gén dung nhit véi k&t qua nao trong cac két qua sau: L
A.3gid 9 phit. B. 4gid 10 phutt. C.3gid40phit.  D.2gid 5 phit.
_ Cau 38: Sy tang trudng clia mot loai vi khu#n tuan theo cdng thixe S = Ac”, trong d6 A
I 58 lwong vi kKhuan ban dau, r 1a ti 1§ ting truong (>0), t 14 thoi gian téing trudng..
Biét ring s& luong vi khudn ban ddu 14 100 con va sau 5 gio tang 18n 300 con. Hoi sau
10 gid thi c6 bao nhidu con vi khudn? :
A.600 - . B. 700 c.800 D. 900
Ciu 39: Sy ting truéng cia mdt loai vi khudn tuan theo cdng thire §'= Ae”, trong dé A
lasdvi khué’nrb'an dau, 1 1a ti 1@ ting trudmg, tla thoi gian va Sla sd vi khuin sau thoi
gian t. 53 vi khuén ban dau 1a 100 con thi sau 6 gidr c6 300 con va sau 5 gity s6 vi khusin
EY _‘ o
A. 600 B. 700 C. 800 ~ D.250
Cau 40; S tang tnx&ng ctia mot lodi vi khudn tuén theo céng thirc S= Ae", trong d6 A
Ia 56 Irong vi khudn ban diu, x 1a ti 12 ting trudng, t 1a thoi glan ting truxéng. Biét -
rang s6 luong vi khudn ban d3u 12 100 con va sau 5 gidr c6 300 con. Héi s8 con vi khudn
sau 10 gid? o ' o
A.1000 . B.850 - C.800 D. 900
Ciu 41; Sur ting trudng ctia mét loai vi khudn duoc tinh theo céng thirc S = A", trong
d6 A 1a s8 Iuong vi khudn ban dau, 1 13 ti 1¢ ting truéng (r<0), t Ia thoi gian ting
trudng. Biét ring s6 Iugng vi khudn ban dau 1a 150 con va sau 5 gidr c6 450 con, tim s8
- lugng vi khudn sau 10 gio tang tredmg, o ' _
A.900 B30 C.1050 D.1200
Cau 42: Biél d5 bén cho thiy két qué théngké v 6 25 Kb
su ting trueéng vé s§ leong cua mot dan vi are]
khufn; ctt sau 12 tiéng thi s8 lugng ciia mot
dan vi khudn ting 1én gdp 2 [an. 56 luong vi
Khusin ban du cta din 12 250 con. Cong 2w
thizc nao dudi day thé hién s ting trudng
“vé s8 lugng cia dan vi khufn N tai thoi

ey

1iEif

[ e e ]

dlé’m ? o . - aum
AN =500." B.N= 250;2% : Bidu d vé sy ting trudng clia dan vi khudn

’ . 5 ’ theo thoi gian t
C.N =250.2" D.N=250.2% _

Cau 43: E.Coli la vi khuén duong rudt gy tiéu chay, dau bung d déi. Cie sau 20 phit
thi s8 luorig vi Khugin E.Coli ting g&p doi. Ban diu, chi c6 40 vi khufin E.Coli trong
dueomg rudt. Hoi sau bao 14, s& lugng vi khudn E.Coli la 671088640 con? =
Ad8gd. B. 24 gid. C.12 gio. D. 8 gio.
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-Céu 44: 56 hrqﬁg clia Ioé:ii vi khudn A trong mdt phong thi nghiém dugc tinh theo cng

o thiee s(f) = s(0).2', trong d6 $(0) 14 s6 lugng vi khusn A Iic ban dau, 5(7) 1a s6

lwgng vi khuéin A cé saut (phit). Biét sau 3 phit thi s§ lwgng vi khudn A 14 625 nghin

- con. Hoi sau bao 1au, k& tix liic bit dau, s8 luong vi khudn A 13 10 triéu con?
".A.48phat.. 7 B.19phiat. < - C.7phat D. 12 phuit.
Céu 45: Sy ting fmétng ctta mot loai vi khudn tun theo cong thikc f(x) =Ae”™, trong d6

A 1a 58 litong vi khuén ban du, T13 6 18 ting trwémg {1 >0), x (tinh theo gid) I thi

gian tang trudng. Bit s& luong vi khitdn ban diu c6 1000 con va sau 10 gid 1 5000

. con. Hof sau bao 14u thi s6 luong vi khuén ting g&p 25 [an?

AS0giy . - B25gio . Cl5gid D.20 gi&s

BAI TOAN HAT NHAN NGUYEN 1TU

_¢iu 4-6:'-(_'1'10 biét chu ki ban ra cia chét phéng xa radi”Rala 1602 nam (tic 1 mdt

fzgng ®*Ra sau 1602 ndm phan hity thi chi con lai mdt niza). Sy phan hity dwgc Hnh
“theo'cdrig thix¢ S = A<" trong d6 A 1a luong chit phéng xa ban diu, 14 t 18 phan hiy
héng nam (r <{)) t 1& thoi gi'an phén hiy,Sla heong con lai sau thoi gian phan hay.

Hoi 5 gam **Ra sau 4000 nam phan hity s& con lai bao nhidugam (lam tron dén 3 chit

Y thap phan)'? .

A. 0,886 gam. B.1023gam. . C.079gam  D.0923 gam.

Cau 47: M0t loai cay trong qua trinh quang hop s& nhan mdt lugng Cacbon 14 (mdt ddng

vi ctia Cacbon). Khi cay dé chét di thi hién twong quang hop ciing s& ngung va né sé
khong nhén Cacbon 14 nira.Lugng Carbon 14 ctia nd s& phan hiy chdm chap va

) chuyen héa thanh Nito 14. Goi P(1) la s phan trim Cacbon 14 con lai trong mét b

phan <ta cdy sinh tru’cmg t ndm trude day thi P(t)dwoc cho bdi céng thirc sau

P(t )—100 (0, 5)5750 %.. Phan tich mét miu gb tr céng trinh kién tric gb, ngwdi ta

__ thdy luwong Cacbon 14 con lai trong g6 14 65,21%. Hiy xac dinh 8 tudi cta cdng trinh

k1en trie do

" A.3574nim B. 3754 ndm C. 3475 nam D. 3547 nam
Cau 48: Céc loai cay xanh trong qua trinh quang hop s& nhin duge mét lwgng nhod

_cacbon 14 (mdt dong vi cia Cacbon). Khi mgt bd phén cita mdt cai ciy ndo 46 bi chét

" thi hién tucmg quang hop cting ngung va né khéng nhan thém Cacbon 14 niva. Luong

Cacbon 14 ctia b) phan dé sé phan hity mét cach chdm chap, chuyén hoa thanh Nito
14, Biét rﬁng néu got P(t) 1a s& phin tram Cacbon 14 con lai trong mot b phin clia
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Chinh phuc diém 8, 9, 10 bai tap tric nghiém Giéi tich

- mot cai cay sinh truong Hr ¢ n¥m tredce day thi P(t) duoc tinh theo cong thu'c

P(t) = 100.(0. s)ofsv(%)
Phién tich mét miu go tir cong trinh kién triic 0, nguedi- ta thdy Iwong Cacbon 14 con
lai trong méu gd d6 12 65%. Hay tinh nién dai ciia cong trinh kién tric d6.

A. 3570n3m B. 3574 nim -~ C. 3578 ndm D.3580 ndm

1224360 ndm. Sur phén hity dugc tinh theo céng

'Cau 49: Chu ki ban 14 ctia Plutoni Pu
thuc S = Ae" . Tiong d6 A 1a lugng chit phéng xa ban diu, r 12 8 18 phan hay hang
nam (r< 0), t 14 thoi gian phan hiy, 51a lrgng con lai sau thoi g1an phén hay t. Hoi 10
gam Pu™ sau bao nhiéu nim con lai 1 gam? -
A.t=82235 ndm B.t~62235 nim  C.f~10235 nim  D. £~92235 nim

Cau 50: Mot chat phéng xa c6 chu ki ban ra 1a T =24 gid (ttec 12 it sau 24 giv thi khai
lugng chit giam di mét: nira). Ban dau c6 250 gam chét do, hoi sau 3,5 ngay thi chat 46
¢ bao nhiéu gam (lam tron dén hang phan nghin)?

A. 71,429 gam B. 22,097 gam C. 31,25 gam . D. 15,625 gam
Cau 51: Trong vat lf, sp phan rd cta cac chit phéng xa duge biéu didn boi cong thire:
. . _ 7

1|7 o ” . oy ges
m(t) =m, {5] , trong d6 my 1a khéi legng ban dau cia chat phéng xa (tai thoi diém

t=0); T 14 chu ki ban 13 (titc 1a khoang thoi gian d€ mét nira khéi hrgng chit phéng xa
bj bién thanh chét khéc). Chu ki ban ri cta Cacbon “C 1a khoang 5730 nam. Cho
trudc miu Cacbon ¢é khdi luong 200g. Hoi sau khoang thot gian t thi khdi Iuong con
bao nhidu?

1002
~ tn 50 : - 100z

3 . 570 o
A () 200 5 Bm() 200[1] Cm(t)zzoo[é] D_m(t)zgqo_esm

Cau 52: Trong vit 11, su phén ri cla cac chat phéng xa dugc biéu din béi cong thirc:

£
1 T
m(t) =m, [2
t=0); Tl chuki ban rd (tu'c 14 khoang thoi gian @€ mQt nita kho1 lucmg Chat phéng xa
- bi bién thanh chat khac). Chu ki ban ri ciia Cacbon N T khoang 5.730 nim. Ngudi
ta tim dugc trong mot miu d6 ¢ mét hegng Cacbon va xac dinh duge ndé dd mat
khoang 75% lugng Cacbon ban dau cha n6. Héi méu db 3 d6 cb tudi 13 bao nhiéu?.
~ A.11.460 ndm ~ B. 5730 nam B o 2378 ndm D. 2.448 n3m

, trong dé mb 14 khéi luqng ban diu ctia chat phong xa (tai thoi diém
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CUGNG PO SANG
Sy thay dai dg sang béng den duwgc bigu dién theo cong thirc: M (1 + r%) .100%

r% Ia phan triim tiing cia nhict dg diy toc.
bg sang bong dén tang lén la: M —100.

Ciu 53: Néu tang 2% nhiét d$ tuyét déi day téc, d6 sang béng dén ting 1én bao nhiéu?

A13% B.27% - C.112% D.127%
Céu 54: Neu tang 1% nhiét d§ tuyet ddi day téc, df sang béng dén ting 1én bao nhiéu?
A13% B.1,12% CI112% D.3,3% -

Cau 55: M6t béng dén c6 hoi cd nhiét dé day téc la 2500°K séng hon bong den chén khéng
c6 nhiét 3¢ day t6c la 2000°K bao nhidu f&n? '
A14,6I3n - 7 BAL1lAn - Ca5Bn Di2lin

- Cau 56: Mot béng dén ¢6 hoi cé nhiét dé day toc 1a 2600°K sang hon béng dén chan

* khéng c6 nhiét 3§ day téc 1a 2400°K bao nhiéu [in?
"A4,6Tan - BLilan C5%an D.2,6 Iin
Cau 57: D€ ting d¢ sang mot béng dén 18n gdp ddi cin tang nhiét 4§ tuyét ddi cta day
t6e 1én bao nhiéu (tinh theo phan tram)'/’ _
A3% - B.6% C.9% D.10%
Ciu 58: D& ting do sang mét béng dén 1én gap ba can tang nhiét d6 tuyét i cua day tdc
1én bao rthigu (tinh theo phin trém)? :
A3% B6% C96% D.10%
Cau 59: D€ giam d sdng mot béng dén xudng gdp déi can gidm nhiét d6 tuyet déi ca
- -day tde xudng bao nhiéu (tinh theo phan trim)?
A3% B56% C:9% - Dao%
Cau 60: Mot lon nuée C280°F duge dua vao mdt may lam lanh chira d4 ta132 F . Nhiét
d9 caa G- & phut thie ¢ duge tinh theo dinh ludt Newton boi cbng thikc
(t) 32+ 48, (0 9) Phai lam mat Cz trong bao 1au ag nhiét ¢4 1440°F . Chon dép 4n

gan nhét véi két quéa? : _
Al156 'B93 T cis D.17

Cau 61: M6t lon muée Sting 80°F duoc duwa vio mot may lam lanh chita d4 tai 32°F .
ANhJet dd chia Sting & phit thit ¢ duwoc tinh theo dinh ludt Newton boi cong thikc

- T(t)=32+48.(0.9)". Phai lam mat Sting trong bao l4u d& nhlet d¢ 12 37°F. Chon

(dap an gan nhit véi két qua? :
Al56 = B.9,3 C.21,5 D.17




Chmh phuc dlem 8,9, 10 bai tap tric nghlem Giai tich

TONG HOP

Cau 62: Cac khi thai giy hidu ¢mg nha kinh la
. nguyén nhan chu y&u lam Trai dit nong
{én. Theo OECD (T8 chitc Hop téc va Phat trién
kinh t& thé gi6i), khi nhiét 46 Tréi dét ting lén

thi t6ng gid tri kinh t& toan cau giam.Ngudi ta
wéc tinh ring, khi nhiét d6 Trai dat ting thém
20C thi tdng gié tri kinh t& toan cau giam 3%; con
Kkhi nhiét d Trai dat ting thém 5°C thi téng gia trj kinh t& toan cau giam 10%. Biét
rdng, néu nhidt d6 Trai dat tang thém ¥, tdng gid tri kinh t& toan cau giam f ( t) % thi
f()=kad', trong d6 k, a 1a céc hang 8 dtrong Khi nhiét 46 Trai dat tang them bao

nhiéu °C thi téng gla trj kinh t& toan cau giam dén 20%?
A8 4C - B.9,3°C C.7,6°C N D.6,7“C

, PE THI THU CHUYEN LAM SON THANH HOA
Chu 63: Khi quan s4t qué trinh sao chép t€ bao trong phong thi nghiém sinh hoc, nha
sinh vit hoc nhan thiy cdc t& bao ting gip ddi mdi phit. Biét sau mot thoi gian t gio
thi c6 100 000 & bio va ban du c6 1 t& bao duy nhat. Tim t.
. A.r=16,61 phat- B.r~16,5phit . C.e~15phat - D.r=155phat
Cau 64: Theo s0 Liéu tir Facebook; s& lugng cac tai khoan hoat déng ting mot cach dang
k& tinh tir thoi diém thang 2 ndm 2004. U(x) 1a s6 tai khoan hoat déng, trong d6 x 1a s8
thang ké tlr sau thang 2 ndm 2004. Biét s8 luot tai khoan hoat déng ting theo ham s&

mii x&p.xi nhu saw: U{x (1+0,04) véi A 14 s6 tai khoan hoat déng dau than,
ip- 8 5

2 n3m 2004. Héi dén sau baolau thl 58 tai khoan hoat déng xap xi 14 194 790 nguedi,
'biét sau hai thang thi s0 tai khoan hoat déng 12 108 160 nguot. :
A.1n3m5 thang B.1nim 2 thang C.1nam Dllthéng
Cau 65 (Hoang mac Sahara): Theo két qua ctia mot tru.ng tam nghién ctru vé mic d$ sa
mac héa ciia hoang mac Sahara cho biét mitc d$ sa mac hda clia hoang mac la mét
ham phu thuoc theo nhiét d§ mdi truomg:AS = (t -2t - 1) 2" Gia st nhiét 46

g mdi frieong dao dong tHr 00C den 500C. Hoi nhidt dd nao khién mic dd sa mac hoa lon
nhét? . g :
A3 o B.1° C 20 , - Do

Ciu 66: N3m 1982 ngudi ta da bist s6 p=2"""~11a 8 nguyén t8 (s8 nguyén t6 16n
nhat biét dugc vao thm diém do). Khl vigt $8 @0 trong he thap phan thi s6 nguyén t&

&6 c6 58 chix s6 L ;
A.227834. . -  B.227843 T C 227824 D. 227842
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Cau 67: Theo s& lieu Hr Facebook s8 lirgng cac tai khoan hoat dfng ting mébt cach dang
k€ tinh t thoi diém théng 2 ndm 2004. Bang dudi day mé ta s6 leong U(x) 1a 8 tai
khoan hoat déng, trong d6 x 1a s0 thang k€ tir sau théng 2 nim 2004. Biét s& luwot tai-

. khoan hoat ddng tang theo ham s md xap xi nhw sau: U (x) = A.(l + 0,04)’l vii Ala
s8 tai khoan hoat dfng dau thang 2 ndm 2004. Héi d&n sau bao 14u thi s§ tai khoan
“hoat dong xap.xi 1a 250 000 ngoi, ‘met sau hai thang thi s6 tai khoan hoat dong la 108
160 nguwoi.
A.In3m 1l thang  B.1n&m?2 thang C.1ndm D. 11 thang

Ciu 68: Biét th& tich khi €O, nam 1998 1a ¥ (m’). 10 nam ti&p theo, thé tich CO, tang

m% , 10 n3m tiép theo nita, th tich CO, ting #% . Tinh thé tich CO, n¥m 20167

: 100+ m) {100+ 1 ; 100+ m)"° (100 + »)*
A. Vzms _V(( 1)0(20 )) (mj) B. ]’/20.16 =V'-( )103; ) (m3)
C.Vzo,,S:V+V.(1+m+n)is(r;13) D,V;GI6=V.(1+m+n)ls(m3)

Cau 69: Vao dau ndm.2016 nhém nghién ciru thuge Pai Hoc Central Missouri — My da
corig bs 5§ nguyen 16 16n nhit i trudc ti nay. Cu thé s6 nay Ia k&t qua cta phép tinh

270 _1 | Hoi rang, néu viét trong hé thap phén (hé gdm mudi chir s 0, 1,2, 3, 4.5,

6,7,8,9) thi s6 nguyén t6 dd ¢é bao rthidu chit s8 (lam tron tridu)?
A20midu. B.21triéu. C.22tridu. D. 23triéu.
Cau 70: Goi m 1a 8 chi¥ s§ cin ding khi viét s§ 2* trong hé thap phan va n 1a s& chir s
can dimg khi viét s§ 30° trong hé nhi phan. Ta ¢ téng m* n bing
A - B.20 19 D.21

Ciu 71: Niéim 1994, 18 khi CO, trong khéng khi Ia %%;8» Biét ring ti 18 the tich khi CO,

trong khdng khi téng 0,4% hang nam. Hoi ndm 2016, i 1& thé tich khi CO, trong khéng
khi 1a bac nhiéu? Gia st ti 18 ting hang nam khong 48i. Két qua thu duoc gan voi 5§

nao sau day nhit?

391 390 3907 7908
T - B¢ - G D.—%
10/ 10 10 10

Cau 72: Trong tin hoc, d hiéu qua cua mot thudt toan ty 1& voi tc do thyec thi chu’emg

(n)
phixc tap cta thujt toén. Biét réng mot thuat toan cd P(n) log,n vakhi n=300 thi
_ a8 chay né, may tinh mat 0,02 gidy. Hoi khi n =90000 thi phéi mé&t bao nhiéu gidy d&
_chay chweong trinh tuong Gng?
A3 B.6 C. 0,004 - D. 600

trinh v duoc tinh boi F(n)= vi n 1a s§ hegng dit lidu dua vio,P(n) 12 dd
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Chinh phy¢ dim 8, 9, 10 bai tip tric nghiém Gidi tich

Cau 73 Mot dién thoai dang nap pin, dung lm;mg nap duqc tinh theo cong thic

=3t

(t) Q, [1 e? J v4i t 1a khoang thoi gian tinh bang gio va Qo 1a dung legng nap

tdi da (pin day). Néu dlen thoai nap pin tlr ltic can pin (térc 1a dung legng pin Lic bit
‘déu nap 1a 0%) thi sau bao 1au $& nap dugc 90% (két qua lam tron dén hang phan
tram)? o

A.t~1,54h B.t=!,2h _ C.t~1h D.t~1,34h

Ciu 74: Chuyén k& ring: Ngay xua, c6 dng vua hita s& thudng cho mét vi quan moén qua
ma vi quan dwroc chon. Vi quan taw: “Ha than chi xin B& ha thuéng cho mét hat théc
théi al Cu thé nhur sau: Ban cd vua ¢d 64 6 thi vdi 6 thit nhit thin xin thém 1 hat, 6 thi
2 thi g&p d6i 6 dau, 6 thir 3 lai gdp ddi 6 thit 2,... 6 sau nhén s8 hat théc gap d6i phin
thudng danh cho 6 lign trudc”. Gid tri nhd nhit aiia n 46 t6ng & hat théc ma vi quan
xmtunodaunen(tu'othu’ldenothun)lonhonltneula _

A2l ~ B.19 _ C.18 _ D.20

CHUYEN BIEN HOA -HANAM -LAN 1

Cau 75: M4t cong ty dién lyc ban dién sinh hoat cho dan theo hinh thitc liy tién (béc
thang) nhwr sau: Mai bac gém 10 s8, bac 1 tir s& thee 1 d&n s6 thiz 10, béc 2 fix s6 thir 11
dén 56 thiz 20... Bac 1 ¢6 gid tir 500 dong/1 sG, gia ctia mbi bic s& & bac thir n + 1 ting
s0 véi gid ciia mdi s§ & bac thir » 1a 2, 5%. Gia dinh éng A sit dung hét 847 s trong
 thang 1, hoi thang 16ng A pha: dong bao nhiéu tign dign? (K&t qua lam tron dén hang
- phén trim)

. A.x=1431392,85 B.x =141 9455,83 C.x'z 1914455,82 D, x=1542672,87

LI GIAI CHI TIEY
DAN $O

Ciu 1: Ddp dn A. _
- Apdung céng thizc F, =P(l+x)"
- Trong d6: +nlasdnim

) +x 12 ti 18 gia ting dan s§

Theo bai ra ta c6: 94444200.(1+1,06%) =103845800 nguoi
Ciu 2: Dap an A. o
- Ap dung cong thirc P, = P(1 +x)
- . Trong dé: +nlas6nim .
+xlaule glatangdanso

Theo bai ra, ta c6: 94444200.(1+1,05%)"* = 109316008 ngudi
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Ciu 3: Déap 4n B. ,
'Dén s8 Viét Nar vio 2030 1: 90728900.1, 0105% = 107232574 ngudi

Ciu4:PipanA.
- . o7 _log, 153 ., A 1a .
. .- Taco: 120=78,6858e™ " =>n= Teoﬁ_ gan bang 24,8, Viy la sau 25 ndm.
Cau 5: Dép 4n D. o
. A n.0,01667 log 1,53 . ., a1 o
- Taed:120 =78,6858.6"" =>n= 00817 an béang 25,5. Viy la sau 26 nam.

Ciu6:Papan D.
v Phin tich: hch Ta nhén thay day 12 bai toan dua trén ng dung giai phuong trinh mil nhw

sall
Lin hxogt 'thay che 8 lidu vao ta duoc phuong trinh: 786858003” 4017 — 120000000
e oo — 120000000 o N.0,017 = 1n 20000000 54,825, ttrc Ia xép xi 25 .
78685800 78685800 e

Do d8 baltmh tir thang 1 ndm 2001 do dé ta tinh ca ndm 2001 vao d¢ nira, tic 14 két
- qué cha ching ta s& 1a 2001-1+25=1025 '
Nhleu ban quén khong tinh ndm 2001 Vao do dé sé chon Iubn A la sai.
Ciu 7: Dap anD. i
v Phin tich: Ta nhan th¥y ddy 12 bai to4n dyd trén tng dung gidi phuong trinh mi nhuw

- osau:
 Lin lixgt thay cac s& lidu vao ta duogc phurong trinh: 78685 800.¢™*% = 130000000
voor 130000000 N.O,02= 10 30000000 251 tlirexapxi 25 nam.
. 78685800 7 7_8685800 - )

Do d# bai tinh tir théng 1 ndm 2001 do d6 ta tinh & nim 2001 vio d6 nita, tirc [a két
qué cita chiing tasé Ja 2001-1+25=1025 - -
Nhiu ban quén khéng tinh nam 2001 vao do dé s& chon ludn A 14 sai,
Cau 8: Dép an B. '
Goi V.V, Ian luot 14 dan s cac thanh phd 4, B sau n nim.
Theo détacd - ’
V=V, <200, 000%1.03" =300.000*1.01" <> 2 (&J o n=log, , ~20.68
_ 3 \1.03 Yt
Cau 9: Dap anC, -
- Goi 1 1258 ndm dan s0 nuréc ta ting tl.r 88360000 — 128965000
Sau n ndm dan & mrée Vigt Nam 1a: 88360000 (1 01)". Theo d&:

88360000 (1,01)" =128965000 < n1 = Iog, ( 128965000

. ——~———-) # 38 (naAm).
88360000 .
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Chinh phuc di€m 8, 9, 10 bai tip tric nghiém Giai tich

Cau 10: Pap an D: _
Goi x(x>0) 1a g1a tn tién t€ lac ban dau. Theo dé bai thi sau 1 ndm, gia trj tién t& 58
con 0,9x . -

Cudi n3m 1 con 0,9x

* Cu8indm 2 con 0,9.0,9x=0,9%x

Cudi ndm 7 con 0,9"x _
Yéu cdu bai toan < 0,9"x =0, ]x:m 21,58.Vin nguyén duongnen n=22,

Céu 11: Pép an B.
Phu’o'ng phap: Din s8 mdt qudc gia ban d‘éu Ia N, t6c d6 fa“mg dan sG 1a r%/néim thi

saun nam, dan s§ ctta quoc gia d6 dugc tinh theo cong thuc N, = N (1 +WJ

- Céch giai: Goi n la s6 nim k& n‘r ném 2013 d€ dan s3 Vigt Nam ting gdp doi, c6 .
phuong trirth: 180 = 90(1+1101)J < L0 =2¢ nzlogw”2z 63,47. ‘Ta chon n = 64
(8 nguyén nhé riht 16n hon 63,4)

Viy dén nim 2013 + 64 = 2077 thi d4n s§ Viét Nam s& ting g&p déi.

Cau12: P4p 4n C. ' _ _ ,

Theo cong thirc, ta dé thdy s8 dan qua mbi nim ting. Goi n,,n, 13 s ndm tir nam bt

ddu vuot ngudng cho phép véi nim méc va ndm 2015 véi ndm méc.

6
— A atexl3% 3% In—

48 50000=Ae o 60000 _Ae PN, 6 % " __ 5 ~14,02
60000 = A.e"”"j“’ 50000 Ae™* 5 1,3%

Vay phai n&m 2015 it nht 15 thi s dan méi vuot ngudng cho phép.
Ciul13:Dip4nB. |
Tix ngay 1/7/2016 dén ngay 1/7/2026 thi duoc 10 ndm, khi d6 sd din cta Viét Nam 1a:
N=917.(1+12%)" =103,317 | S
Céau 14: Pap in B. '
Sau N n3m s dén 12 120 triéu ngudi nén ta cé:
S=Ae™ &120.10° =(78.685. 000) TN = N =25,

Do d6 dén nim 2026 dan s6 nudc ta & mitc khoang 120 triéu ngucn
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Cau 15 Dap an D
v Phuong phap GQI 58 dan ciaxa dolaN thl mic ting binh quén 2% chia xa do tuong
‘ duzcmg vl —

100 ngui.

2N - 102N

v Cach giai: 35 da 46 saw £ adm 1 N+
| ad @.al ancuaxa O Sau nam a. 100 IOO

Sau 2 ndm & 2 N
100

102N 2 102N (102 'N
100 100 100

Nhuvaysaunnamsodania [102] N= (102] 1000
100 100

‘Ap dung Cong thuc = 4¢ s dan bt dau > 125000 fhi n>20.48 ndm =>n =21 nam

.'Cau16 Papan C.

. GoiS, ladansonamZ(}lS ta co S,—1153600N 5, A= 1038229
5

A4

5

Tél.cé':S‘ AeN’:>e ‘i,—_;,-—
. ' - o : o ln%
- s : 15—A
Goi §; la dan 58 dau nam 2025, ta c§ S, = AeST =1.038229e 5 ~1.424227,71
Cau 17: Dap an B. |
Theo d& bai: 111-78,6858.6"" " < In110= 1n(78 6858."°7")
1n111—ln78 6858
0017

Vay d&n nam 2021 dan s8 nude ta & mike 111 tridu ngudi.

= 20

TANG TRUSNG
Céu 18 Bap anA.’

Goai A la luqng beo ban déu, dé& phu kin mét h thi lu’qng béo 1a EZ—OA

. Sau 1 tuin s§ lu’c_mg beo 14 3A suy ra sail n tudn thi lwgng béo la: 3".A
100

DE lirgng beo phi1 kin mit ho thi 3".A =TA = x =log, 129 =log, 25 = Thoi gian d&

~ beo pht: kin m3tho 1a t="7log; 25

7
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Chinh phue di#m 8, 9, 10 bai tap tric nghlem Gidi tlch

Ciu 19: Dap an C,
Theo gia thit sau n git ta o6 s8 beo 1a 10" cay.
Sau 9 gid, béo s sinh sdi kin ci mat hd va s5 cdy beo sau 9 givrla 10°cay.
ST, . ' 1 |
‘Sau n gio, béo phu kin 3 Caiho khil0" =5109 <>n=9-log3,
Cau20: Dépan A.
Goi ¢ la thoi gian cac 14 beo Vphﬁ kin % cai hd. Vi téc d6 ting khong d6i, 1 giy ting
gip 10fannén ta ¢6 10' = %10” & t=9—log3.

Cau 21: Dip 4n D.

Huéng din: Goi trie Iwong go ban ddu Ja Vo, t8c d§ sinh trudng hang ndm clia rirhg Ia
i phén trdm. Ta cé: )

- Sau 1 nim, trir Iuong gB [a: V=V, +iV, = (1+i)V,
- Sau2ndm, trivheong gb 1a: ¥, =¥, +i¥, = 1+ i)V, = (1+i)°,
- .Sau 5 nam, trix heong gbla: ¥, = (1+4)°F,
- Thay ¥, = 4.10°(m® ),1—4%_0 04 =V, =4.10°(1+0,04)°.
Cau22: PapanB.
v Phén tich: Triz lugng go sau mot ndm ctia khu rimg 1a:
N=410°+4.10°a a% = 4.10°(1+a%)
Trit luwgng g6 sau nam thit hai ciia khu nrng la:
N= 4105(1+a%)

anlu’ong £0 sau nim nim ca khu rieng la: N = 4. 105(1+a%) — 4,8666. 105:>a ~4%
Céu 23: Pép an D.

Day la mot dang bai toan lai kép duogc tac gia diu dwdi sy phat trién ctia mét loai ciy.
Dang bai nay da quen thudc i ddang khong cac barl'? Tdi s& dua ludn cdng thixc tinh

13 kép cho cdc ban nhé: 4 = a(l+r)" trong dé A 1a s8 tién nhin dugc sau n thang, a la

sG tién giri ban dau, r 13 1ai xudt hang thang. Ap dung cdng thic trén ta thiy sau 5
ndm thi khu rimg s& c6 4.10°.1,04° mét khdi gd.
Ciu 24; Paip an A,

Van 8¢ niede chay gio daulal lltlphut bang 60 lltlgw Goi t(h) 1a thei glan nwréc chay
day bé. Khi d6 ta cé:

1000 =60.2°+60.2' +60.27 + .+ 602" < 60.—1——% =1000=t =~ 4,i4h ~ 149155.

L Imn




Tot AN - s« ez tm —

khangvietbook.com.vnr PT: (028) 39103821- 0903906848

Ciu 25: Dapén A.
GolAla lu’gmg' béo ban diu, dé€ phtt kin mit hd thi legng beo Ja: %A

Sau 1 tudn s§ luqng beo1a 54, suy ra sau n tuin thi leong bo k: 5"A
100

Be lu’orng béo phit kin mt ho thi 5".A = TA =x= logs 100 =log,25 = 2.
= thé'i glan d&€beo phu kinmit hola r=7.2=14.
Céu 26: Dép én C. _
Goi x+1 Ia khodng thi gian ¢in d& nude chay diy b, ta ¢
1_2x+]

60.2° +60.2' +60.22 +...+60.2" =1000 ¢ 60.———— =1000 &> 2 =? & x+124,14gio.
Ciu 27: Dap an A.
2 12

10 10 :
ot=log—=12-log5
5. &7 &

Goi t 12 thdi gian beo phi kin %mét ao, khi d6 10' =
Ciu28:PipinA. - '
Goi a, 1a 58 gd (mét khéi) c6 dugc san # nim. Ta cd:
7005, :
a,=a, +0, 05.a,=1,05.a,
= a, = a,{1,05)" = 7.10°(1,05)’.

DONG DAT

Ciu 29: Dép 4n B.

Cuedmg d trin déng dat o Nhat Ban: 9=loghs -logAe e % ~10°

]

: Cu(')ng d% tran dong dat & T Xuyén: 7=logA2-logA. < % =10

+

4

o s A, 107 '

- Lz;\phlerﬁ=7<:::u‘i‘l=7100.»312
AO

- Véy trén dong dat & Nhét Ban ¢ bign d% gip 100 Jan trén déng dat.¢ T Xuyén-
, Trung Quéc. '
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Chinh phuc diém 8, 9, 10 bai tap tric nghiém Gidi tich

Ciu 30: Pp an D.

M=logA-logA, = log(AﬁJ
) 0

- OKumamoto: 8,5 =log L I T
' - Ayl Ap :
- & Nam My: =log3.10%° =9,0
Ciu 31: Dap an A,
A
M=logA-logA, = log(———}
; AD-
- {J San Francisco: 8,1= log A = A 10*
A, ) A,

- O Nam My: =log4. 1081 =8, 7

Céu 32: Dap an C. - _

Tacé M'=logdAd—log 4, =logd+log A-log 4, =log4+83~8,9.

Ciu 33: Pap an D, _
Hudéng dan:Goi cudng ¢6 va bién d6 tran dong dét & San Franasco la M va A, trén
dong déit con laila M, va A ta c6:

A__A 2 ;
2 8-6= M M, —IgA—lgAU -(lg 4, _lng) lg— ” —=10°=100 .
4 1
" Ciu 34: Dap an B. '
Goi 4, labién d6 rung _t_c‘)’i da & Phirdc Son.
Goi 4, 1a bién 46 rung t6i da & Tra My.
M, =log 4 ~log4, =31 (1},
M,=log4,—log4,=2,4 (2).
'Lay (1)-(2): log 4, —-logA -0, 7<‘;>10g—A—=0 1ol ol
1.
Cau 35: Pap an D.
Goi S Ia dién tich rirng nurde ta hiénnay.

Sau n3m thie nha't, dién tich rierig con lai 13 §—S.x% = 3[1 - %]

o 2
Seu i e, dign tich g o 110 |-(1- 755} 5 =100
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. V : x n ° -
Sau nam thizn, dién tich rig con lai la S(l —m] nén sau 4 nim dién tich ring sé

A & . ) 3
la [l = %) phan dién tich nwedc ta hién nay.

CAu 36: Pap an B.
Goi A1, Az 1an ot 13 bién d6 5i da ctia tran déng d&t cua Phurdc Son ngay 16/10 va
bién do t6i da cia trin d&t & Bac Tra My ngay 03/12.

M =logA-log 4, =log%:> A=10" 4, :i{-’—=10“"‘3'5z 4.

" FANG TRUSNG VI KHUAN
Cau 37: Dap an A |
Bidt A=100,8=300, t=5

RN , - 7 ‘ : In3
Tiz cong thirc S=Ae”:>e”=£:>r.t=lﬂ s :>r=]—In EJ:"_
4 4 ¢\ 4

Vay a8 A r-.'100, S=200=>1 =lln §]=f5—.]|112 m3,156(h) ~ 3h 9 phut
: ‘ T A In3 ,

Céu 38: Pap an D.
| Theodgtacé: 100.” = 300 = In(100") = In 300
=57 = 1n§92-:> = l1113
100 5

o

’ Lmslio
Sau 10 gid i 100 con vi khudn sé ¢6: § = 100.6[" ] =100.™° = 900 con.
Cau 39:'D5p anD. ' |

+ Huéng gial: Trude tin tim 4 1& ting trudng sau mi gid.

Tir gia thidt suy ra 300 = 100e% = r = %

' ; ; 52

Sau 5 gid, tix 100 con vi khudn ban dau sé c6 §=100e ° ~250 con.

Ciu 40: Pap an D. |

Tacd 300=100e* = r= %

n3

Khi 46 8 vi Khugn sau 10 gio bing S=100¢ 5 = 900.
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_ Chinh phuc di€m 8, 9, 10 bai tjp tric nghiém Giai tich
Cau 41; Pép 4n B,

. St . 5 ‘ : n3.
Taco 450=150&" > ¢ =3<:>5r=ln3<:>r=T

) in3

- 58 lwong vi khudn sau 10 gid ting trudng la: S=150¢  ° = 150.(e ‘"’) =150.3" =1350
(o) ! | |
Luu ¥ ta c6 cong thiec tinh todn véi bai todn: “Hang thang giri vao ngén hz‘mg adong,
13i suft 1%, tinh s6 tién thu dugcsaun thang 1a 4= —(1 +r)[(l + r) - 1}” (11 giai trén
. ap dung cong thie nay) '
Cau 42: Pép an D.
Goi s6 vi khuan ban dau téng quat1a N,
Sau 12 tiéng = 0,5 ngay =1T this vi khusn la N =2N,
Sau 24 tiéng = 1 ngay = 2T thi s& \.ri khuan la ‘Nz.r" =4N, =2°N,
Sau 36 tiéng = 1,5 ngay = 3T thi s§ vi khuan Ia N,, =8N, = 2°N,
Tir d6 ta d€ thay cong thirc tdng quét, tai thoi didm t =kT" s8 vi khudn [
Ny =Ng.2¥ = No.z% =N,.2" =250.2%; (T;O,s ngay).
Cau43:Pip an D,
Sau 20 phnt s& luong vi khudn ting 1én 2 Ian '

Do dé sau 20.n phﬁt s8 luong vi khugn ting lén 2" Iin

4027 = 671088640 =n=log, 67—1286@ =242 1=2420=480 (phut)
Do viy thoi gianla 8h, '

Cau 44: Pidp an C. | |
Theo gia thié’t = 62500=5(0).2’ > s(0)= 6258000

Khi s8 vi khuén 14 10 triéu con thi 107 —s(O) 2'=2"=128=>t=7 (phut)

Céu 45: Dap anD.

- Tacé: 1000. €' = 5000 = ~In5

: Ins _
- Suy ra dé dat 25000 con can x(h) thi: 1000.e™ " = 25000 => x = 20
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“BAITOAN HAT NHAN NGUYEN TU

Ciu 46: Dép dn A. |
_ Tacd: A_per o r:—ﬁ “Thay A =5,t=4000, r=-B2 Al 0,886 g.
T2 T T ]602 1602 ,

Ciua7:DipinD.
' 1 o o :
Ta ¢6 100.(0,5)5756 = 65,21 & (0,5)57% = 0,6521 <> t = 5750.log, ; 6521 ~ 3547
Ciu48: Pip inB. | :
Ta cc')_: P(t) = 65.

-

~ Nén tacé phu'orng trinh: 100 (O 5)5750 =65<1=5750. 1n0.65

In0.5

~3574-

Cz_m 49; Dap an A.
_Thé cic dix kién vao cing thirc ta sé tinh duge dép 4nA.
“Céu 50: Dap an B. '

. 3574

Taco m = m, 2T "*2502 % =72 097(g)
Cau51: Pap an A,

- Theo cong thirc m(t) = m“e_'“ ta cd:

o . In2
m(5730) = 200.¢~*7#0 <=>7 220 = 200.e7% 70 ek :';;'320 suy ra m(t) = 900e P

Ciu52: Pap 4n A.
- Gia st khoi luong ban dau cha mau &9 8 chita Cacbon 1a m,, ta1 thoy difm t tinh t

: thcu didm ban dau ta o

an _In2 * . )
m(t) me it oy Mo —me T ot = 5730.2In2 = 11460 (nam)
4 o In?2 7 ,
CUCGNG PQ SANG

Ciu 53: P4p 4n B. _
- ‘D0 séng béng dén ting lén Ia: (1+2%)" 100% ~ 127%
- Suy ra, 46 sang bong dén ting 1en 27%.

Cédu 54: Pap an A. ‘ ,
- D0 sang béng dén ting 1én 1a: (1+1%)" .100% ~113%
" - Suy ra, 6 séng béng deén ting 1én 13%.
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. Chirth phuc diém 8,9, 10 bai tip tric nghiém Gii tich
Ciu 55: Pap an A. |

. 12 :
Theo bai ra ta cé: 2500 =14,6 {an
S 12000, -

Cau 56: Dap inD.-

Theo bal rata cé: (2600) =2,6 lan
2400 ‘

Cau 57: D'ép an B."

- D& ting d6 sang mdt bérig dén 1én gdp ddi can ting nhiét do tuyét d6i clia day toc, ta
6 2=1x" = x=%2~1,06 | '

- Suy ra, cin téng nhiét o tuyet d8i clia day toc 1én 6%.

Ciau 58: Dap an C,

- D€ ting d6 sang mot bong dén lén gdp ddi can ting nhiét do tuyét d6i-caa day toc, ta

6 3=1x2=>x =23 ~1,09
- Suy ra, cin ting nhidt d¢ tuyét ddi ctia day téc 1én 9,6%.
Ciu59: DépanB.
- D& taing 46 sang mot bong dén 1én gap déi can tang nhiét do fuyet do1 cua day t6¢, ta

cd: l-—-l.x :>x-='%iz0,944
2 . 2

- Suy ra, can giam nhigt d§ tuyét di cua dﬁy téc xubngb,6%.
Céu 60: Papan D. :
- Thay vao cong thuc ta ducc 40 = 32+48 (0 9) =>tx17
Céiu 61: Pap &n D.

_ Thay vio cong thic ta dugc: 37 =32+ 48.(0,9) =>t~21,5 -

"réNG HOP

~ Céu 62: Pap an D.
 [kd? =3%

Ta eé: o

ka® =10%

Ta ¢in tim # sao cho k.a'=20%

Tu(l)(l):;k—éﬁ a'a3='-139:>a={/1§

20
:>§-—/3a =20%=>a" 2—0:nr—a2=logag]~:>t=2+log = =6,7
a’ 3 '3 3

3
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_ DE THI THU’ CHUYEN LAM SON THANH HOA
Chu 63: Pap an A.
v Phin tich: Day 12 bai toan don gian st du.ng ting dyng ctia s6 mdi.
Do ban d&u cé mdt t& bao duy nhét nén:
' Sau phiitsao chép thie nihét s& 18 bao 1a: N, =2
~ Sau phiit sao chép thit hai 5§ t€ bao 1 Nz =2?

Sau phut sao chep thir t 58 t& bao la: N 2‘ = 100000
log2 100000 16,61phat

Cau 64: Pap an A.

v Phin tich: Do dé da cho cong thirc tong quat va ¢6 dit kién 1a sau hai thang s& tai
~ khoan hoat dong 12 108 160 ngudi. Do d6 thay vao «cdng thiec tong quat ta s& tim duwgc
A.Khi dé: A(1'+0. 04y = 108160 < A =100000.

Khi dd.cong v1ec ctia ta chi I3 t1m X 580 cho 100000(1+O 04)? = 194790
= 10g(|+0 04) o 124790
100000
Cau 65 (Hoang mac Sahara): Bap an A.-

= I?hay 1nam?d thang

G1a Stt f()=a8 = {7~ 2t - 1)e™”
S = (2= 2)e™ =2t - 2 - 1) -
F) = (-2t +6r)e™

. =0
f(a),=0¢—2z’+6r=0¢:~['_

~ Tathdy max f(t) =£3)=0,10 -
Céau 66: Dap an C. - _ .
© Tacé: p+1=2"%% = log(p +1) = 756839. log 2 ~ 227823,68

1= 102‘278‘23,68 0227823 <p+1 < 1022?824

=>p+ =1
Vay viét p trong he thap phan c6 227824 s5.

Ciu 67: Dap 41 A. -

v' Phin tich: Do dé da cho c8ng thiic tdng quét va ¢6 dix kién la sau hai thang s6 tai,
khoan hoat dong 1a 108 160 ngidi. Do d6 thay vao cng thite tOng quat ta s& fim dwgce
A Khidé: A(1+0. 04)2— 108160 < A =100000.

Khi do6 cong viéc ctia ta chi la tim x sao cho 100000(1 + 0.04) = 250000
250000

<> x=lo _—
B0 700000

~ 23 thang hay 1 nim 11 thing,
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- Chinh phyc diém 8, 9, 10 bai tip tric nghiém Gidi tich
Ciu 68: Dap an B. ' :
v Phin tich: Day Ia mot baJ todn tmg dung 8 mii kha don gian. Tuy nhién vi ¢6 céc
bién m,n nén quy déc gia dé bi bdi r6i khi thuc hién bai toan. Ta ¢6 nhu sau: N3m

1999 thé tich khi CO, L:

L "’J y m+100
100 100 100
¥ 141001
Nim 2000, th& tich khi Co, a: V V{I«i--——}:V(
oo/~ \ 100

Véy ta c6 quy ludt nén s& nhdm nhanh nhuw sau: Hr nadm 1998 dén 2016 1a 18 nim, trong
6 10 n&m d4u chi s§ ting 1 Mm%, 8 nim sau chi s6 ting 14 n% . Vay thé tichs& 1a:
_y[m+100Y" (n+100 (m+100) *(n+100)"
o6 ( 100 J [ 100 J v 0% -
- Ciu 69: Bap in C,
¥ Phin tich: Nhin qua ba1 todn nhidu ban sé thay khd, khéng c6 phurong hudng
Tuy nhién néu phin tich ky cling véi kign thirc lign quan dén s6 mii ta hoin toan c6
thé fim ra Idi gidi. '

¥

2

.Dap an B.

Nguyén tic & im xem s8 ity c6 bao nhiéu chix s& ta cin dua vé dang= 107 ¢6 x chiz 56)
Tuy nhién & day Ia 2* B '
_ Vi vay budc ta phai kep gitta cac s& ma caa 10.
v Léi gii: ta cé nhursaw: '

1022300000 < (1 03)7420728 < 10247420728 — (210)‘7420728 < 274207280 < 2?4207281 . 274.207.28] <

(2°.2°)7T0 < (5120 YT <1070
Véy 06 22 triéu s8.

Cau 70: Dap 4n B.

- Phuong phép: S8 chix s§ can diing kh.l vidt s§ A trong hé thip phan la [logA] +1 véi
[x] la st nguyen lon nhaf: nho hon hoac béng x.
Téng quat: 5§ chit & cin dimg khi viét 8 A trong hé nhi phan Ia [log,, A]+1

- Céch giai: Dya vao 2 két qua trén ta cd:
m=[log2™ | +1=[30log2]+1=10
n=[log;30°] +1=[2log,30] +1=10
=>m+n=20 '

Ciu 71: D4p 4n A. ‘

- Ti1ekhi €O, trong khéng khi ném 2016 li: %8 x(1+0,4%)" %3,91x10™ -
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Céu 72: Dép an A _
: "

D5 hiéu qua ciia thudt todn 13 E{n)= ( ) . ti 18 véi toc do thuze thi chirong trirth
n} logn -
' Goi t1a thoi gian d€ chay chuong trinh va k 12 hing s6 i 18, Khi 6 ek '
. V6in=300= 0 _kt ke
. log, 300 0,02.10g, 300
90000 - 90000

Véi p=90000> —————=ki =t ==
: . log, 90000 k.log, 90000

Cau 73: Dép an A.

hE Phuo‘ngphap e* =a=>x= lna
-~ Cach giai: ‘

+ Pin nap duoc 90% tire 1 Q(1)=Q,.0,9
~3t =3t 3t
—)Q(t) Q009 Qo[l eZJ:ml 01:>—2——11101

= t=1,54h

" Ciu 74: DipanD.

IRmmae e

Tie diz kién dé bai suy ra s§ thoc & & thit n sé 1a 2“ . hat. Vay tong s8 thoc t-u 61 dén
thenla 142+27 420 4. 42" =22—~_]—1=2 -1 voi 15n564,ne]R

D& s8 hat théc 16n hon 1 tridu thi 2" —1>1000000 <> 2" > 1000001

‘0> log, 1000001 ~19,93157. Vay n=20

v" Nh@: Cong thirc sir dung ben canh 1a cong thic tinh téng cip sd nhan

CHUYEN BIEN HOA — HA NAM ~LAN 1 |
Céu 75 Dap 4n B. o

'I'heo dé bai, mic siz dung cta nha 6ng A dang & béc thu{slcgl] 84. Xét cdp s6 nhan

=500
g=1+0.025=1.025
. tra khidng st dung hét 847 K.W dién 12 10 lan tOng tat ci cic 56 hang cta cép s8 nhan
trén vasd ti“én 7KW dang & béc thk 84, tikc la:

10S,, = 5000. (Iﬂ)_‘{_l
1.025-

u,ne N n<84 dwgd xac dj.nh béfi:{ . Khi @6, s8 tién 6ng A phai

+7.500.{1.025)" =1419455,83
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* Chinh phyc diém 8, 9, 10 bai tjp tric nghiém Giai tich

Phin 4:

—m-—-—-—_—-—-—-——o——--

UNG DUNG CASIO TRONG _TiN_H ﬂcn‘pﬂﬁn -

x

Vi dy 1: Cho tich phén 7 = [sin‘ xdr=az+5 . Tinh A=16a+2b
| B .

‘A 1 'B.3 c4 . - D.7
' ' Giai:

¥" Nhép tich phan vao may tinh rdi tinh lru két qué vao A bang cich SHIFT STO A.
arn-+b=A4
16a+2b=k
giai he ra két qua a, b 1a s8 dep thi dd chinh la d’apa.ncua de. Tathayvcn k=1 thi

a=i,b-—lcon1a1k =3, k=4, k=7 thiraséxfn. '

32 4

v Vaydap anla A

v An MODE 51 (g1a1 hé 2 4n) réi nhip: { véi k 13 mot.trong 4 dap an. Neu

Vi du 2: Cho tich phan: jx(x+sinx)dx= ar’ +br. Tinh S =a* + 5
: 0

Al .20 G p.1%
: 7 9 -3 11
Gidi: '
¥" Nhiép tich phan vao may l:mh 16i tinh lwu ket ‘quavao A bang cach SHIFT STO A.

ar’ +br=A . . » v .
v Tacohé: 52 - voi k 1a mot trong4dap an. Né&u ra két qua a, blasddepthi
. at+b = :
dé chinh 1a dapancuade
A b
7.",'3
v Hé tuong duong { .. 2
A—bﬂ 2
= +b =k
T

- _
A“X”J + X2 -2.192 vao mdy tinh 16i &n SHIFT

v Thit ta th;"i’y voi k=1—9(2 ta -nhzfip (

‘ SOLVE tim nghiém ta du’oc X=1lasé dep con lai dap an A C, D cho ra X s8 x&u.
v Vay ddp an la B.
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’ x+2 ' a b
i : —— = +———t—— |dx . Tinh S=a+2b+3
Vidu3:Cho '[x(x—2)(x+5) I[x x-2 x+5J ) _ “ ¢
A8 2 el D2
25 ' 67 37 _ 35
: : Giai:
o = Tim— x(x+2) 1

=20 x(x 2)(x+5) 5

: - Tacé:<b—11mw)— 2
I-*23:(.7&: 2)(x+5) 7

lo— i (x+2)(x+2) 3
| H-5x(x 2)(x+5) 35

:>a+2b+3c=%. Chon D.

SUDUNG CASIO PE TINH
TICH PHAN CO TRI TUYET POI
“Caul: Tinh [ = T_[f dx+ 3|
A2 . B.4 C.7 D.5

Chon A. .
S dung Casio nhu sau:

. .- . smn s
 Sau dé bém Shift Hyp - @

vTa duoc man hmh nhu’ sau:

o jginiux o

Nhap bigu thuc ham sd vao ta dugc:

. uuna

JD|K2-4X+3|dx
2

- Vay gié tri ctia tich phan trén 13 2.

183




Chinh phuc diém 8, 9, 10 bai tap trac n@upm Gidi tich

BAI TOAN 1)01 Blr‘:N

t . ,
Ciu1: Biét [ f(x)dx=2 va f(x) laham s&1é. Khi d6 /= j F(x)dx cb gid tri bing:
o ' . : : -1

S CAI=t O Ba=0" cr==2 D./=2
Ciu 2: Cho if(x)&=l,jf(x)dx=—4.Tﬁ1h 1=j"f(y)qj»._
CAI=-5 E '1-32.1=—3 C.;=3 D=5
Cau 3: Cho i f(x)dx:S,i F{f)dr=-2va I g(u)du=§.Tinh j’i( f(-x)+g(x))dx bing:
‘A.g | o B-l-;—)— c? D“T20

. . 2.
Céu 4: Cho ham 58 f(x) 6 dao ham trén doan [1;2], théa man f(l)=0;f(2)=2,_[f(x)dx=l.

1

 Khi do Ix.f'()q)d:r bing:
. 1 S

A2 B.1 C.3 D.8
. 7[, ) . b_
Céu 5: Cho f 1a ham s§ lién tuc trén [a;8] théa { f(x)dx=7. Tinh I = f(a+b-x)dx.
Al=7 B.I=g+b-7. . Cl=7-a-b D.I=a+b+7
. ‘ y 0 I . L
Ciu 6: Cho f(x) 13 ham s6 chin va j'f(i)d)::q - Ménh d& nao sau day ding?
2 , 2 K S 2 . s ‘
A.-[f(x)dx-—-—a 'B.J-f.(_x)dx:O C.jf(x)dx=2a D.If(x)dx=a :
? 2 -2 - 0 :
_ _ | | 2 »
Céu 7: Cho hdm s§ y = f(x) 6 dao ham lién tyc trén [5;2] théa man [ f'(x).dr=10va -
. 1 ' .

J‘?((x)) —ln2.Bié’tr5ng f(x)>0Vxe{1;2].T1’nh f(2)
Af(@)=10 B f(2‘)='—20‘ C.f(2)=-10 . D.f(2)=20

. .2
Cau 8: Cho y =f(x) 12 ham $8 chin, cé dao ham trén doan (—6;6), biét r:‘?mg If(x)dx=8
_ . . g bl
3 : 6
va [ f(-2x)dx=3.Tinh I = | f(x)dx.
1 -1-

Al=2 - B.I=3 - CI=1] D./=14
184 ' | |




khangvietbook.cdm.vn DT: (028) 39103821~ 0903906848

Ca’ﬁéz .Chc_y jf(:_c)dx=9.eié tri cia tich phén I=j-f(3x+1)dx la:
. ! . .

CAT=9 BI=3 ciI=1 . D=7

Cau 10 Gla st ham s8 f €6 dao hami hen tuc tren doan [0;1] théa man ditu kién
f{1)=s, J-xf (x)dx 5. Khi dd Jf x)dx bing:
Al , B.-1 C.11 ‘D.3

. . 2
Cau 11: Cho ham s8y = f(x) ¢6 dao ham lién e trén [;2] thoa man [ /'(x)dx =15 va
. _

If( ) =In2. B1etrang f( 1>0, Vx;[l;Z].Tirﬂl 7(2).

Af(2 ); B.f-( )=-20 C.f(2)=-10 - D.f(2)=30
Cau 12 Cho y=f(x) Ia ham 5§ chin, co dgo ham trén doan (~6;6), bitt ring
if(x)dxz'l'o va jf(-zx)dx;s.ﬁnh I= j’[f(x)dx

AI=2 B.J=5 . CI=11 Df;zo

T

’ 4
Cau13 Cho ham s8 f( )hentuctren Rvacachchphanj Sf(tanx)de=4va Ixf( %) =2.
0

o X +1
Tink tich phanj F(x)dx
: 2
(A6 - B2 N o D1
Ciu 14: Cho f( ) 14 ham s lién tuc trén R va j £(x —2,j(2x)dx =10. Tinth gi4 tr
d
cta I = j f(3x)dx
A8 B.i~4 C.=3 | D.I=6

1 : 3
Cau 15: Cho If(x)dx;Q. Tinh 7= j (cos3x).sin3xdsx.
|

AJ=-3 . B.I=27 C.I=3 D.I=9
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- Chinh phuc digm 8, 9, 10 bai tip tric nghu:m Giai tmh

CHUYEN QUOC HOC HUE LAN 2
" Ciu 16: Cho ham 50 f(x) hentuc trén' R vacod Jf(x dx 3. Tmh jf |2x|

-1

A3 B.6. c% | D.0. -

LT GIAI CHI TIET
Ciu1: Dap an'C.
Djt 1 =-xtac6 dt = ~dx va f(t)——f(x) do f{x )lahémsé’lé.KIﬁdé_

- I[—f(r)}( dr)-—jf(r)dr:—jf(x)dx -2
Ciu2: DapanA.
ff(;c)dr’; f’f(x)dwff(x)c&@.]f(x)dx=4-1=-s :ff(y)ajz~5
Cins. Dip an(zf , 2 B | 2
if(x)dx=j|f(x)dx—;5[f(x)c{x=7.T‘a c6: jl(f(x)+g(x))dx=—
~ Cius Dépa'mC 7 '
Tach jxf x]dx j d(/(x))= xf(x)j

_ CauS DapanA S |
| Gié stx F ( )12 nguyénhém ca ham 36' Sf(x).

'if(x)dx = 2f(2)_f,(1)—_2[f(x)dx =3.

. Taco_[f(x)dx 7 & F(x) —7®F(b) F(a) 7

a

ff('a+b—'x)dxv= -F_(a+b—x) —_F(a)+ F(8)=T.

Ciu 6: DapanC ‘
Do f(x) lahamchannen_[f(x)dx —a_—.>jf(x If(x)dx—jf(x)dx=2a.
Cau 7: DapanD '

Ta cd: J.f'(x)dx=1(-}——-f('2)—f(1)=10 | (l)

Miit Khac: }f}%dxz 2= Il (x)[] “in2
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(2) —:’Mz i x>..xe._
¥70] e P01 f(1) 2 (2){do f(x)>0vxe[12])

- Tix (1) va (2), tammauqc f( )

"CauS DapanD .
 DPitt=2x>di=2drvax=11=2x=3->1=6.Taco:

:‘@

| ;_’,.=jf(-—?_-x)d_’x=%j§'f(t‘)a_’t‘2j‘f(x)dx=6
B _ véy 1‘: Gj‘f x)£= jf(_x)dxgr}f(x)dx=8f6=14

» Cach Khac. :
Gia st F(x) languyén ham clia ham s8 f (x). .

 Tacé jf(x)dx 8@1’()2

=8 F(2)-F(-1)=8,
o Do f(_;c). 13 ham 8 chén nén 7(-2%) = £(2x) nén ta c6 T F(-2x)ds =j f(zx)a; =3

" 3 @%[15(5)—1?(2)] =3o F(6)_-F(2’)= 6

Tacs | f(2x)dr =3 2 (24)

".~.Tac?j‘f dx = F()

6

= F(6)~ F(-1)=[F(6)- F(2) ]+ [F(2) - F(-1)] =8+ 6 =14
-1 _. ) .

. Cau % DapanB s ",_ ,

_ Bat:‘-3x+]:>dt—3dx D(nea.n x= 0—>t Lx=1—>f=4

Tacéi [= jf z) = é"[f )dz:ﬂf(x fo=3

"> Cich khic. \ :
Gia st F(x) 13 nguyén ham cita ham s& f (x).

4_9@1?(4) F(l) 9

Ta ¢ jf(x) 9<:>F( )

Ta cod jf(iix-i»l)dx —F(3x+1)

Caun 10: Dap an A.

Tacs jxf'(x)dx= xf(_x)|;—}f(x)dx:» [ £(x)dr=1
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Chinh phyc didm 8,9, 10 bi tip tric nghiém Gii tich

Ciu 11: E)ap in D.
Ta c6: j A x)dx f(2)- f(i) 15(1)

Matkhac_[f( )dx ln2=>ln|f(x)"2=ln2

m 2]

ff 2)_, f( )
Q)

=2(2) @ Lo 2]y
=177 T 720 o Sl ol
Tix (1) va (2), ta tinh duge /(2) =30
Ciu 12: Pép 4n D.

Gié six F/(x) Ja nguyén ham ciia ham s5 . (x)

Tacs [ f(x)dx =10 & F(x) 2

=10 F(2)-F(-1)=10

Do f{x) 1a ham s§ chin nén F(2x) = 7/(2x) néntacé J{f('—Zx)dx jj-f(2x)dx 5

Ta cé jf(Zx)dx 5o —;—F(2x) ses —;—[F(G)-F(2)]\= 5 F(6)-F(2) 10

-F0)-F(-)-

Tacé j'f(x)c?sz(x) :

[F(6)-F(2)] +'[F(2)_ -F(-1)]= 10@1‘0; 20 |

Ciu 13: Dép 4n A.
y s dr
* Bitt=tanx=> dt=(1+tan ~x)dx—=———

}f(tanx)dx 4= jf(t)dt g

1+

* !f(x)dx=_£i]:_(j:2) : jxf()

dx4+26
» 1+

Céu14: Dép an D.

‘Hudéng dan: Dat = 2x =>di=

:{iz;’i 26:>Jf(2x)dx——ff t)dr Iﬂaff(x)dx 20.
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x=2,t=6

| agl; r=3x=>dt=3dx:>{x=°” - 051:%@ f('t)dt=-§-ﬁ f(_t)dt+:[ f(t)dt] |
ot Jf(x)dx}—- —2420)=6 |

> Cach khic.
Gidsx F (x) 1a nguyén ham ciia ham s8 f(x).
=2 F(z)ﬁF(0)=~§2 _

0

Ta cb If(i)dx_z—z@}?(x)

]}(zx)dx%iq@'%p(zx)

3

1

=10 F(6)~F(2)=20= F(6)~ F(0)= 242018

Ta ) ff(3x)dx ——F

| =1F(6)-F(0)]-318-6

Céu 15 Bap an C
Dat u = cos3x = du = —2sin3xdx . Véi x=0=u ='1;x.=.-;£:>u:—1

1_——jf .dx—g:[f(x_)dx.—g.Q—S

> Cich khac.
Giase F (x) Ia nguyén ham cta ham s& #{(x).

Ta b j{f(x)dx;E? < F(x) o F(1)-F(-1)=9

ﬂ'

o!—n—‘wlh

Tac I= jf(cos3x)sm3xdx =-

% f(cosBx)d(cos3x) = ——F(cosBx)

¢

<Ry re]= i) r]=te=s

: CHUYEN Quc‘ic HOCHUE-LAN2

Céu 16: Dépz’mA ' B
~ Tacé: If|2x|dx ff]ledx+J‘f|2x]dx If(—2x)dx+]f (2x)dx.

x=-Lt=2 ¢

X=0,1=0 :>_f]f(—2x =—-—jf t)dt——jf(t)dt——jf(x)dx
x=1t=2
x=0,t=0

‘__t=—2x=>dt'=—2dx:,>{

t=2x-:>'_dt=2dx:>{

= _:l;f(Zx)dx =E.£‘f (t)dt =5_0[f(x)dx
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Chinh phyc diém 8, 9, 10 bai tip tric nghiém Gidi tich

: jf[zx[dx=}f[2x|d§+j[f[2xidg=}f(—2$<)dx+jf(2x)dx

=%‘If(x)dx+—;—j;f(x)dx =If(x)dx =3.

- CACKY THUAT TINH TiCH PHAN

[Phuong phip hé sb bit dinh: Khi miu cé thé phan tich thanh nhan ti.

Ciu 1: Cho i 4 B C
+2)(x=50x+4) (x+2) (x-5). (x+4)
Khidétbng § = A+ B+ C bing:
1

A B.0 - C_i. 7 v D.——;—
CauzCho— =4, B . € Knidas §=24+B-C bing
' Cox(x=3}x+3) . x. x-3 x+3 : _
Céu 3: Cho céc hirig s8 4, B, CeR thoa man: 2 A, B ¢

=—+ + .
CL4+3742 x x4+l x42
Khi @6 P = A.B.C bing: ' - '

A2 B.% . cr D.-2

KY THUAT })61 BIEN

Kinh nghzem khi gidi cdc bai todn tich phan c6 cin ta thuong doi bién ¢ bang cin do, rbi sau L d6

biéu dién cic bigu thirc ciia x thea t, dong tho‘t doi dx theo dt nita, bai todn & vé mot bai- todn
mdi cita bién t.

. x2+3b
Ciud: Cho I={xJ/x* +3dx ="~ ( ) +C.Tinh S = Iog a+log b+20167
a L] a:

A2018 - B.2020 C. 2025 D.2030 -
Ciu5: Cho I = \/Zx ~In{v2x=1+4) +C. Tinh § =Sin() -
' de 1+4 ( ) L 8

Al B0 c.1
2 ,

D.-1
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Ciu 6:.(';'ho A=_[x”"\n'l-i-xzc.ix:at"--rbt'5 +ef +C,voi t=~1+x* . Tinh A=a-b-c:

N 2 D48
79 103 . 105 109
11 '
Cau7:Cho I = I L+x’ de=a+Inb—In+/3. Tinh 7(a+b—3):
A0 B.1 C.2 D.3
| -CﬁuS:ChoI=_l[——-‘ BT {“‘/—J Tinh A=a+b: |
' eVt +4x+3 1+\/_
A3 - B.2 . C.5 D.7

HAM LN|

o . 1
Vi ham In ta sé sir dung phép tinh dgo ham Inx'=—
x

Khi dé viée dp dung vio bai todn sé dé ding hon.
Céic vi dg minh hga

e 4
Cau 9: _[H-ln xdx
[ : .
Al B. c.l p. 2
5 5 5 5
Chu 10 (B -2010): [, = [ ————
_ ,t(2+lnx)
A —l+]n3 B.l+lng C.l—lnE D.—l+l1r1E
32 302 2 2 22
Cau1l: I-= j‘””'“"‘"x (B 2004) bidk , b t6i gidn. Chon rhan dinh diing?
SR
A.a+b=240 B.a>b C.2b-a=154 D.b=134
el
cauu:fzj——wrml”dx =4 2J5+21n—) Hoi nhn dinh diing?
Aat+tb=4 B.ab=6 . C.a-b=1 D.2a-b=3
Je
Cau13: /= | 3_2lnx dx=1OJE % Chon nhén dinh ding?
1 x1+2nx }
A.a+b=9 B.ab=20 C.a-b=-9 Db=11
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Chinh phuc diém 8, 9, 10 bal tip tric nghlem Gidi’ nch

L3I GIAI CHI ‘nﬁ‘r

" Cau 1: Ddp dn B. :
‘ L .4 B C
C(x+20x-5)x+4) (x+2) (x-5) (x+4)
= Ax-5SKx+ D)+ Bx+2)x+ 4y + C{x+ 2} x-5)=1
1

+)x:—2:>—14A=]:>‘Ar¢—ﬁ

+)x'=,5::>63B=1:>B=L
‘ . 63

Hx=—4=18C=1 :C:%

= A+B+C=0
v Binh ludn: Bai todn ndy chiing ta sé tdch phin s6'é méu s6'c6 tich thanh céc phin s& don
gidn hon. DElam duoc ditu niy ta diing phieong phip déng nhat hé s5.
» Cich khic,

Ta co

1 I (x+4) (x+2) _1{ 1 1 J

(x+2)(x=5)(x+4) T2 (x+2)(x- 5)(x+4) (x+2)(x-5) (x+4){x-5)

_1[1 (x42)=(x=5) 1 (x+4)-(x-5)]_ ( 1 1 ]‘_1( 11 )
217 (x+2)(x-5) 9 (x+4)(x-5) T2 \x=5 x+2) 9\x=5 x+4
111 1 11 7

—_. +—. +—.

14'x+42 63 x-5 18 x+4

Ciu2:PapanD. o

1 . A B C
== +

#(x-3)(x+3) x x-3 x+3

+)x='o=$,—9A=1':>A=—%'

= 1= A(x-3)(x +3)+ Bx(x + 3)+ Cx(x~3)

+)x=3=18B=1=B=L
18
1)x=—3218C=1=C=—~
‘ 18
: 2
=2A+B-C=—
T T e
Ciu 3: Pap an D.
'A(x+1)(x+2)+Ex(x+2)3l-Cx(x+1) 2
+Hx=02>4=1
) x=-1=B=-2
+Hx=2=C=1
=>ABC=-2"
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KY THUAT POI BIEN

Ciu4: Dapan A.

" Dit t-—'-\/>i2+3 = =x2-+3:>2tdt=2xdx:>xdx=tdt.

\]x+)

Suyrals= Itfdt—jtzdi +C Wx #3)
Vay S=10g§3+10313+2016—2018

¥ Binh lun: Khi ¢6 cin/x? +3 ta s& tim cach @t ¢ = 43, Ti€p d6 ta bién d6i cac phan
-con lai theo't, k€ ca dx ciing biéu dién theo dt. xdx =idt

Cau5: Pap an C.
Dt t=V2x—1 =8 =2x—14dt =dx

= 1=t [1_t—il~]dt=t—41n|f+4|+C'=J2x—1-m(sz—1 +a) +C |

t+4
Vayn=4 véyS=Sz’n(ﬂ)=1

¥ Binh ludn: Viée xust hidn v2x-1 ta dit t= V2x-1, sau d6 vin nhw théi quen, ta bleu
~ difn dx theo dt: tdt =dx

' Caué: Dapan C.

Pt t=Vx’+1 o x* =" -1 xdx = 1dt

_ (2 224 6 oyt 2 _17_25 £ l __2_'_1-
A—I([ ~1)t dt—J‘(tl 2 + )dt_rf s +C:>a—7 b= o=y
.."*.}a—b—c=2
- : 105

Cau?‘BapanA

Dt t=+1+x° :>r—1+x = tdt =xdx va x: 1-+J_th1t \F—>z

B 2 2 7 2
Khido 1= [ I o [ = [ 21-+‘d::j[ L )dt
. x -1

1 U 5 -1 7

2 ’ .
= J’[H'l(L_Lﬂdr:[Hl]n
N 2\t-1 f+1] 2

aa:ZHJ_'b=J§+IV:>]—1(a+b—3):O

t~1

3
r+1]

V2

=2—J§+|n(ﬁ+1)—%m3_

¥ Binh luin: Viéc xuat hin V1+x® ta dit r=V1+x", ta nep tuc cdng viée bidu dién

Vi+xt \/]-i-x

X

x va don vé 8in t, c6 xdx = tdt Kinh ng}uem cho thay khi c6 cin bc 2

ta air dit cn do bang m(,)t bién t roi kién trl bién d6i 1a giai dugce bai toan.
' ' 193

== - R et S At A R R IR AR RS TR T i WO ST TR TR T S Sl e S




Chinh phuc dlem 8,9,10 bai tap tric nghlem Glél tich

Ciu 8: Dap an C.

Dit t=Jx+1+ x+3

( I )’dx: JETthde dx dx _2dt
2Vl 2J5e3 2J(x+1)(x+3) 2J(x+1)(x+3) \/(x+1)(x+3)_—t

'Vada’ican x:0—>1thi 1443 52442

24-J_
Khi d6: 1, =2 I 2 o ”Mr =2In 2+¥2 Da=2b=3
I-Nr 1+J§_

=dt=

|
Ciu 9: Dap an D.

Dit = Inx = du = dx

x
P4i cin ) l
X 1 e
u ’ 0 1
“1+1n* X b ’ 2\ 1 6
aco I Il+u )du= Uu+— | =l+===
1 4] . 5 5 5
a0
Ciu 10: Pap-an A.
a=%
Datr=2+lx=<{  x
Inx=¢-2"

3

-Vax: 1——>e thi?:2—3
=—l+1n3
3

I =_|'—t_22dt=j(l—%]&t =(lnt+3]
y £ G\t t), 2

Kinh nghiém: Khi c6 biéu thir 2+Inx ta s& dt t =2+Inx, 13} bién ddi cac bidu thic -

con 1ai theo b1en t. Bifu dién dx theo df cu the nhuw trén; -fdi: dt

Cau 11 Pap a an C

: 2tdt=% EV=%df

D Dgtr=Vitdlx=~o=t43hx= F =Y % vaxilose thifilo2
- Inx= Inx=—_
T3
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22y g2 oo afp Y 116
oo L=t Sa=2 ()= o | =
133 e T oS 3 7135
Y K.mh ngluem DAt ca bleu thite v'1+3ln'x_ £5i sau 46 bién ddi phan con lai theo t, ca
dxtheodt . o
Cau12. Pap an B.
o -, Qdt ==
Dt r=Vl+lhx=¢ =1+nx= x vacint:4/2 2
a Inx=1 -1 -
' V2 +1
2]‘(1+ }dr 2[:+ ]nt—l) =4 2J5+21n( )
-1 2 |e+1)5- : NZY

- Tim duoc a=2,b= 3. nén B dung
Ciu 13: Dap an D.

tlt =
-Détt=J1+2_Inx:>t2=l+21nx:> Cox
T ' - 2lx=-1
 Vadan £:1—>+2

e P 2_' g ; J2 :
) :>I=f3—(—t‘—1)1d“=f(4—fz)tﬂ=(4t—ﬁ}l :10\5—11
3 l ,

1 t 1

' CAC BAITOAN PUGC TRICH RA TU PE THI THU 2018

. : . 5 : '
Céu 1: Tinh tich phan Iz,[\/_;i_’f dugckétqua 7 =aln3+bIn5.Gidtr A +ab+3b 1
AR ' i x+1- . : :

A4 ~ B.L C.0 D.5
Ciu 2: Cho biét J-.—Cosx—dxzana-bln2 véia va b la cdc s8 hiru tl. Khi &6 4 bing:
. - o sinx+cosx - b
Al o B2 ct D.>
4 -8 2 4

Ciu 3: Biét j \} dx ( ) voia bla céc s6 nguyén dwong. Ménh dé nao sau

daydung : _
A.a=2b ' B.a<bh - Cia=b D.a=3b
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Chinh phuc diém 8, 9, 10 bi tip tric nghiém Giai tich

. 4 . )
Cau 4: Tinh tich phin Iz—;;—ldx = —l~ln a (trong dd m, a la nhitng s6 nguyén). Khi d6 tich

-a.-h? bf?mg: * .
A0 B.-1 C.3 . D6

Cau 5;: Tinh 7 = _z[min {l;x-z}'dx.
[}

AT=2 R 'B.l:% S CI=0 D.!:%
Cau 6: Bxetj 6—aln2+bln3 vouablacacsonguyen Tinh S=a+5.
x - x
AS=3 - B.S=-2  CSs=1 D.S=0
'Ciu 7: Biét I—dx— aln2+bln3+cln5.T1'nh S=a+b+c.
T (x+1)(2x+1) ' :
T AS=1 . B.§=0 Cs=2 - D.§=-3

LT 2
Cau8: Cho y = f(x} 1a ham s6 chin, c6 dgo ham trén doan (6;6), biét ring | £ (x)ds =

5
vajf —2x)dx 3.Tinh [ = jf(x |
AT=2 B.I=5 cr=u D.I=14
Céu 9: BletrangISeJ“de —e +§e+c (abceR) Tinh 7= a+§+§
AT=9 B.T=10 .  CT=5 | D.T=6
| Cau10: Bigt F(x) 13 mdt nguyén ham ctia f(x) =‘m.-h—;ﬁva F’(l) - %

Tinh [3F (e) |

A.24 B8 . cs D.1
Céu 11; Cho tich phan jf—il-g——-”—edx ln(l+ae)+inb+cv01 abce@ Khi d6 gid -
+é
0
trictia a+2b+3¢c 12 .
A3 'B.2 C.1 D.6
i cosx e
. Cau 12: Cho biét I = I " dx=an+bIn2 véiavablacac s8 hitu t. Khi d6 4 58
o SinX+cosx : :
a_ .
- bang:
p o
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Al _ B2 2 D.—l—

4 : 4 8 2
. Céu 13: Co bao nhiéu giad tnatrong doan[ ] man J Snx dx:g.
s v1+3cosx 3

A3 . B.2. 1 D.4

. - t
Céu 14: K&t qua tich phéan /= I(2x+3) e*dx duogce vidt dwdi de_mg IT=ge+b,vdia blacic
- < 2

s6 hiru 7. Tim khing dinh déng.
Ad+b =28 B.ab=3 Ca+2b=1 D.a-b=2
Ciu 15: Néu |xe*dx =1 thi gid trj ctia a bing;
o ’ .
A0 ' B.1 - C2 D.e

- .
| 1 . ‘
Céu 16: N&u [sin” xcosxx = Saq thi gié trf ctia n Ding:
. 0. . .
A3 B. 4 C.5 . D6

C§u17:Bié’tJ[e’+—31—)dx e +a1n3+bv0'1abEZ Tim T = a+b
' . x+

A T=-2 . B.T'=0 ' CT=-1 D.T=2

2
Cau18 Ch00<a< vaIxtanxdx m. TmhI J[ )theoavém.

COsSXx

A.I=atana—2m B./=-d'tana+m C.J=d’tana—2m D.J=d'tana-m

: cau19:316t1=jx—3-’%12dx aln7+bIn3+cvéi ab,ceZ. Tinh T=a+25 +3¢.
3 X X )
AT 4 - i B.T=6 C.T=3 D.T=5

1
Ciu 20; Bi&t I—dx a+lnb(a bekR, b>0) Tinh Ibe‘"'r2
e

1
A +1 . B.-l C.e’~e+l D.e’ +e+l
Chu 21: Tim t&t c4 céc gia tri thuc cita tham s& 4 48 bit phuong trinh ¢é nghiém ding véi

moi gia tri thye ctia x: J(%Hz(aﬂ)}ixz -1
0

A.ae[—%;—%} B.ae[O;l] C.ae[—?.;—l] D.a<0
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Gidi tich

4 +]
Ciu 22: Gia su'I In x -y = ln22+bln2 vaia bla cacsohu’uty Khi dé, tong 4a+b
x
béng: S o ‘
A3 - B.5 - C7 ' D.9 -
Céu 23: Bzé’t_[ X 11 4o Tioha,
¥+l 2 a+l
~Aa=l Ba 2 . C.a=0 ‘ D.a=4
Ciu24: Gia sl I-——w—dx aln5+bn3, v61a bEQ Tmhgla tri-
x“+4x+3
A-6 B.8 o C. -5 D.4

Cau 25: Cho jln 9-x*)ds= alnS+bln2+c véia, b, ¢ Ia che s§ nguyén. Tinh. 5 =|af+[p} +|d].

A.S=34 B.S=13 C.5=18 D.S=26
Ciu 26: Cho Izj — =a+bf3 v6ia,b 1a 56 hitu . Tinh gid tri clia a—~b.
+ cos” xsin” x ' '
s .
, . =
A—— ]_3.---E C.l : D.-%-
3 3 : -3 3
Cau 27: Bigt {—
, 2 X — . 2
nghiém ctia phurong trinh nao duéi déy?
'A.x2—4x_+‘3=0 B.xz'—2x_jl-%_= : c._f—x--i-:o D -2x-3=0
Céu 28: Gia stz I —aln5+b1;1.3+'c1n2. Tinh gi4 trj cta bi€u thirc S=—2a-ﬁ-b+3c2g
¥-x - .
A.S=3 . B.S=6 Cs=0 - D.§=-2

. 2
Ciu 29: Voi céc 58 nguyén a,b théa min I(2x+l)lnxdx=a+%+h1b. Tinhténg P=a+b
1 o .

A.P=27 B.P=28 - C.P=60 . D.P=61

Cau 30 Biét Ide aln\/_-f—b]n\ﬁ véia bla cacsonguyen Tinh téng a + &
x X+
béng: - ' :
A.-1 ' - B.1 - C.E . D0
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=gln2+&n3+cin5. Tinh S=a+b+c

2
Chu 31: Bit [
An S Bie -!(x+1)(2x+1)
AS=1 B.S=0 C.§=2 © D.§=-3
L3I GIAI CHI TIEY
CiuT: Pap an D.

Dt t=Bx+1 = =3x+1=>2dt =3dx . Dicdm: x=1=1=2x=5=1=4

, . ] ‘
it |1 .
Do &b I=-2j-—j—=1n—— =2]n3—ln5:>a=2,b=—1:>a2+ab+3b2=5
SR IS ey ST
Céu 2: Dap an C.
i ;:osx : i sinx
Cédxlzaat1=j_;_—dx' 3J=|——"—dx. Tact
' 5 sinx-+cosx s sinx+cosx
N 3 .
I'*J:J‘de:jdx:xlo—zi
o SInx+cosx Y 4
S .
I—J'——J.desinlsinx+cos“g:%lnz

5 Sinx+cosx

Suy ra:/ =§+%h12.Do 6

o R
=

Ciu 3: Dap dn A.
Dt ¢ =2 +1=> 1 =57+ 1= tdt = xd . D8i cin x=l=i=2ix=31=2.
: 3 7 2 . 133 2 -
Khi a6 [ x/x® +1dv= [ == =Z(4~V2). Vay a=2b.
d i 3g 3
Ciud: Pip an D. -

X 4 4
Ta co: Llna=j—1~dX=l(ini2x+ll). =M=ln_3.
. om 3 2x+1 2 .

2 2
. Nhu vay a:3,ﬁ1;2_,suyra m.a =6
Cau 5: Dép an D.
T 2 4
I=[dv+[de=—
13
Céu 6: Pap an C.
i 1 i L
.dx 1 -
jz =j L ]dx:[nx—3- =2In2-In3
x -5x+6 \x-3 x-2 x—2{,

0
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Chinh phuc di€m 8, 9, 10 bai tip tric nghlem G1a1 tich

Ciu 7 Bap an B.

dx (=1, B2
) = dx=In2-2In3 5:Vay §=
Tace -!(x+1)(2x+1) |x+1dx-'.--!-‘2x+1 g n3+in-Vay §=0

Ciu 8: Dap an D. _ _
Datt=2x=>dr=2dxvax=1>1=2x=3>1=6. Tacé:

3 =j F(-2x)a %i 7 (1) %j 7()a :I F(x)de=

6 2 ) '
Vay 1= [ f(x)de=| f(x)dc+[ f(x)dc=8+6=14
-1 -1 2
> Cich khic.
Gidsir F(x} 12 nguyén ham cfia ham s§ f(x).

=8@F(é)—F(—1)=é

Tacé if(x)dx =8 F(x} 2

) 3 T3 :
Do f(x) laham s& chénnén £(-2x)= f(zx) nén ta c6 j f(2x)dx=[f(2x)dx =3

Ta céd Jf(2x)dr e ;F(Zx)

—3©~[F(6) F(2)]= 3@}?() ~F(2)=6

Té 6 '[ f(x)dx = F(x)

=F(6)-F(-1) =[F’(6)—-F(2)]+[F(2) ~F(-1)]=8+6 ~14
Ciu 9: Pap an B.

=22

1 . 2 )
I=[3¢"T ax it t = 1+3x = > =14 3x = 2udt = 3dx . 1=_2j te'dt =2(:.e‘[f-e.'[f)
15¢ . , - .

Vay 2¢° :§62+§e+c (*)=>a=10,b=c=0nén T =10.

Dén day ta thay dé bai c6 van dé bdi I8 q, b ¢&R thi ta sé chon dugc vo s8 cap b, ¢

van thdéa man dang thic (%).
Cau 10: Dip an B.

Pt t=\/1+h12x :>tdt=£a§:

X

_ .3
i
IJH_I“xdx Jtzdt=—+C (H: x) +C

F(I)#§:>C=0:>[.3F(e)]r =
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Caull: DipanA.
L b et axet ' e x* I , 1.1
Taco: [2 =" Cdr=[| £+ |de=| —+In(1+e7) | =in(1+e)+nz+
| e l+e 5 l+e 3 ) 2 3

-+ Tadugc: a=1Ab=%/\c:%:>a+2b+3c=3

Cau 12; Dap 4n D.

- 'I CcOoSX P sinx . 4 T
Taxet _[ ' : =I dx va :>I]+Izrfdx=—
0smx+cosx o Sinx+cosx - 2 4
. L2
: H cosx—sinx td(sinx+cosx . T
- =I )dx;j(,—l=ln|smx+cosx||4 =—In2
5 Cosx+sinx o SInx-+cosx ° 2
L 1. 1 _a 1
=1 =—+11n2:>a-— b=—m 22
8§ 4 8_ 4 b 2

v Cach2: Dit ng_,,_

‘Ciu13:PipinB.
bt 1= 1+3cosx::>t2=1+3cosx:>2tdt=—3sinxdx
\H+;cosr[ 2

——]dt = —g(v‘l+3cosa —2) =
3 3

Ta duoc I

W

\/1+3cosx

<::>\11+3cosa—2=—1<:>a::0sa=O<:>a=gho:;_1c‘:1=3?Tt

Céu 14: Dap an C.

dv=e'dx v=eg
Céu 15: Pap an B.

(u=2x+3 - [du=2dx " [a=3
Dt .= . -Taduwgc I=3e-1=

a a

=ge’ —e" +1
o

Tacé jxe‘dx = jxa'(e‘) = xe*
. 4] 0

a
m‘Je‘dx =ae” —¢’
. ,

0

Ma _[xe‘dx£1:>ae”—e“=0<::>e”(a—1):=0<::>a=1.
0

Céu16: Dap an C.
n b4
% —6‘ . . 5 1 n+l
Tacé jsin" xcosxdx = Jsin” xd (sinx) = sin™ x| = 1=t
: n+1 n+li2

T

]
. : 1
Ma jsm" xcosxdx=—=n=35
384
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Chinh phuc diém 8,9, 10 bai tip tric nghidm Gidi tich

Ciin 17: Dap dn D.

. 3Y x . ] : a=3"
fle+—=|ax=(e +3m[x+1))] =¢*+3m3-1=> =>T=a+b=2
o x+1 0 - p=-1 _

Ciu 18: Pdp an C.

bat u=x2:>du=2xdx;dv; dx = v=tanx

cos’ x
Khi dé I=]:x2*canx:|:—j2xt&nx¢ix=a2 tana—ZIxtanxdx=a2tana—2m
. . [ i X T :

Cau 19: Pap 4n A.
d( 2—x+1 3 '

7o f(1,22x+1 36& 3 1 ? 3 o
Ta cé: j+ HJ ={ !xz — 27- (3 —x+1) =-In7+n3+1.

2

‘Dodé a=-LB=Lc=1.Viy T=a+2b° +3c* =4,
CauZG P4p an D,

Ta ¢6: I . j (In e’—limx)’?

:ln(e —1)—ln(e—l)-—2=—2+ln(e +e+l)=a+lnb

X

e

et +e+l

VDodé: a+1r_1b=7—2+ln(e2 +7e+])©Aa+2=ln

2
e +e+l
=e™? o be

a+l

=e te+]

Ciu 21: Dép 4n A.
-X ) . 2 2
I(—;—HZ(a-}-l)IJ >=1Vx @'-‘:—+2(a+l)x2 -1 Vx< %+2(a+1)x+12 0 Vx

0

oA () -Lcoo-2cac-L,
"4 2772
CﬁuZZ'Bépz’mD '
2Inx+1 =
=2
Tacé: = j ~dx = [21n x+ln]xﬂ| In? 2+1n2=>{b=

Cau 23 Dap an A.

ClPde 1 k(1) ! 1‘3x2+1
Tect: [ 1™3) x(m LE!"’("Z“)“J%
1 : - :
=_1_(x'2+1) -—l-'ln|x2+1”| =(1_l]_11n2=l_11n2 l_Llnz
2 . 2 0 2/ 2 2 2 2 1+%
Vay a=1
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Chu 24: Dép in A.

j’ _j[--—+—]dx (- 1n|x+1|+21n|x+3|)| =2In5-3In3
x- +4x+3 x+1 x+3
_.Suyra:q=2,b=—3.Dodo._.P=ab=—6'
Ciu25:DapanB. o
2x

Dit uzln(g*-xz)::-' d=2 g
dv=dx V=lI"'3
o . 2 . 2 :
= I=(x-3)In(9- | 2]"(’” ) e dr=—Inr+6ln2-2[——dx
T X : ‘ x+3

1
1—=_1n5'—,§1n2—2+61n(x+3)[| =-In5+6In2-2+6ln5-12In2
=5In5-6ln2-2=5=13 |

C4u 26: Dap an B.

c032 x+sin? x) dx

Tacd I=

cos® xsinx cos® xsin® x

| A b | H
& al—-.ala

e ST

i 3 V3

1 1
( —+— )dx (tanx—cotx)|!
cos*x sin“x )

O A by [ W

. e e a : 2
DoablasChitutinén a= 0,b=§, suy ra a—b=§.
v Llrur);r: Néu gia thiét a,b 12 s8 thuc thi ngoai cip a=0,b =§- con nhitng cip khac, ching

han ¢ = R b=1,licnay a-b= b —1, khac véi tat ca cac phuong 4n A,B,C,D.

N A NG
R [ R NE 2 2
Ta ¢d ———=4 =-2¢0t2x| =—— =a=0%b=—=a-b=-——.
aco ;[coszxsinzx ;[mz 2x - 3 3 3
3 3 3
" C4u 27: Pap an B. _
3'x 1, >3 1,
Tact: [ j =—(Injr—1+lnfx+1)} =>l2--In3
5 X — x+1 2 _ I 2
: 3
Cla=2
Do do f
b==
2
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Gidi tich

Ciu 28: Dép 4n B.

Ix —x_jx(x l) '!xdxl I =Inf—

3 X

m——m—
, 5 3
=ln4-In5-In2+In3=m2+In3-In5.

Suyra: a=-Lb=Lc=1.Viy S=2+1+3=6

Cau 29: Pap an C.

e {H=0% Naw=Lla
av=(2x+1)ax vzxf”
i'(2x+l)lnmbr=(xlﬂ»-Jc)InxL2 —j(x2+x),—l—dx '
v ' 1 x
2

2 C 2
=t_’)In2—J.(x+1)dx=61n2—[£2—+x]

P=a+b=-4+64=60
Céu 30: Dépé.nD.

=61n'2—(4—3J=—4+3+1n64
2 2

- _
Tacoj AR §p— d(x*+4x+7)=2In(< +4x+7)] =2 122 1n7
x +4x+7 2o x"+4x+7 2 o 2 2
=1nwf- inv7 ] 7
2 . a=1 :
Suy ra I*%de=alnx/1—2+blnﬁc>{b=_l.Véyt()’ng a+b4=0.

- Ciu.31: Dap in B.

2 z. .
P2
T dx + dx=In2-2In3+In5. Vay §=0..
ace I(x+1)(2x+1 -,{ | !2x+1 peT el ey L
DIEN TICH-THETICH
Néu cdc ham s& f(x) va g(x) lién tuc trén doan [a; b] thi dign hchhmhphang g101 han

bdi d6 thi clia céc ham 6 y = fi(x); y = fz(x) va cac dudng thang x'=a; x = b dugc tinh
theo cdng thikc:

v Cong thirc: S=_I'ffl'(x)—'fz()‘-’)]a’Jc | | [

5 f[f(;)ldx,khi;f(x)z-g
Sz_”f(x)ldxz "b | . N
o , _J‘lf(x)[df, khi: f(x)<0 PLE R -
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Thé tich khéi tron xoay: ¥ = :r” f12(x) - f22 (x)|dx
) a

‘O Baitipdpdung
Cau 1: Cho hinh phing (H) giéi han béi cic dudmg y = lnxy 0,x= k(k>1) Tim k &&

dlen tlch}unhphang (H) bang 1:
Ak=2 ' B.k=¢ Chk=e D.k=¢
Céu 2: Tinh dién tich hinh phz"ihg gidi han boi cac duomng y =37,y =4—x vi truc tung.
as=2-2 ps2i2 cs=l-2 D.5=24 2
2 In3 : 2 In3 2 In3 2 In3

Cau 3: Cho hinh phéng (H) gi¢i han boi céc dudng y=|x* -1| va y=Fk (véi 0<k<1).
Tim k d€ dién tich hinh (H) gép d6i dién tich hinh phéng dwoc t6 mau trong hinh vé:

=i

||||||

VA
-1 1 .
Ak=32-1 B.£=0,5 C.k=34-1 D.k =4
Cau 4: Ggi S(t) 14 dién tich hinh phng gi6i han béi céc dudng y = _—1____
' (x+1)(x+2)

y=0;x= Ox t(t>0) Tim lim S (r)..

A.—-h’lz‘wl ]3.11’12—l C.i—lnz D-1n2+l- .
2 2 2 2
Céu 5:Cho hinh (H) gi¢i han béi d6 thi{C):y =xInx, truc hoanh va cic dudng thing

x=l,x=e. Tinh thé tich clia kh6i tron xoay dwoc tao thanh khi quay (H) quanh truc
hoanh. o ' :

Aln B.-2¢+infdn  C.(-4+h6d)x  D. —n~(523~2)
2 2 : 27
Céu 6: Dién tich hinh phing giéi han béi cac dudong y =2° ,y-—x+3 va y=1
AS=—41 BS=—-1  cs=2 . ps-—43
In2 In2 2 . 50 - © In2

_-Cau7 Tinh dién tichScuahmhphang gioi han béi cac d6 thi ham s6 y=x —3x va
truc hoanh. .
as=21 Bs=2 cs=2 DS——-gz |
4 2 4 4
Céu 8: Tinh dlennchlrunhphang gidi han bai dothxhamso y=x+x, tryc Ox va hai
dudng thing x=-1,x=2,
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‘Chinh phuc diém 8,9, 10 bal tap tric ngl'uem Gidi tich

N Yl oz p.2
i 4 “7 - 4

Cau9 Chon ménh d& dung trong cac menhcfésau
’ A ”x —-2xldx _[ x -2x dx+J. x —Zx)dx
1 _

B”x 2xldx-—j x -2x dx+_[ X ~2x)dx.

C”x ledx I x.—2x dx— j. x —2x
| z

D.ﬂx2 —2x|dx = ‘”xg --25:|a.'x—‘l'|3‘:2 '—_2x|dx
I T 2’ '
'Cau 10: Hinh vudng OABC c6 canh bang 4 duge
chia thanh hai phan boéi duong cong (C) 6
. 1
phu'(mg trinh y = sz Goi §,,S, 1a dién tich cta
phan khéng bi gach va phan bi gach (nhu hmh

vé). Tinh ti s8 §- i
S, *
Ai:i- B.ﬂ-—.? : C-S—=1 D.—=—
S, 2 .'Sz -S _ L 2

Céu 11; Parabol y="— chla hinh tron co tam Ja goc toa do, ban kinh béing 22 thanh hai

phan c6-dién hch_ S, va S, trong d6 Si <S,. Tim ti s5 :SS:—

. 3?I+2 S 'B.3n+2 : , _C.3n+,2 : - D.Qn-Z

2 2Im-2 92 - 12m - 31t+2
Cau 12: Dign tich clia hinh phang gidihan bdi nitra dudng tron x°+ y =2,yz0va

parabol y = bing; 7 _
A.]; S " : BE—I CE . : D—+l
3 : 2 : 2 - 2 3
Cau 13: Dién tich hinh phang gidi han bdi durcrng cong y=x’, dudng thing y=2~x va

truc hoanh trong midn x>0 bang: : :
A2 ) Bl Cl DE
-6 3 . 6
Cau 4 Dién tich hmh phang gioi han bdi duong cong y =4x va ducmg thing x=1

bing S. G1a tri cia S la:

8

Alr . B s  Das

ol
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Ciu 15: Dién tich hinh phing gidi han bdi d5 thi ham s§ y =ax’ (a>0), truc hodnh vi
: . 1
hai dudmg théng x=-1,x=k(k>0) bang %. Tim k.

Ak=1" B.k= Chk=2 - D.k=2
.- 4 2 .

Cau 16: Trong mit pha.ng toa d6 Oxy, cho hinh thang ABCD véi A( -L2), B(S 5).C(50),
D(- 1L 0). Quay hinh thang ABCD xung quanh truc Ox thi th€ tich khéi tron xoay

duwoc tao thanh bang bao nhigu?

CAT2n B.74n C.76n D.78xn
2

. - 2
Céu 17: Goi 51 I dién tich ciia hinh phing gi¢i han boi elip %+ -3-’1- =1 va §, 12 dién tich
ctia hinh thoi ¢d céc dinh 1a dinh clia cip elip d6. Tinh t s3 gita S, va S,

A 2 . B _3 cS.r pi_x
S, m S, A s, 2
Cau 18: Tinh dién tich hinh phing gi¢i han boi d6 thi (C): y=%x3 —x va tifp tuyén caa

o thi (C) tai diém ¢4 hoanh d¢ duong béng 2.
A27 - ¢ . B2 C.25 _D20

Cau 19:Dién tich hinh phing giéi han bdi céc db thi ham s§ y=x"—x;y=2x vh cac
dudmg x =-1;x=1 dwgc xdc dinh bdi cdng thike.

A.S=

j'(?’x—xs)dx' B.S=j(3x—x3)dx

-
C.s= }(x’«-—?,x)dx +'j(3x—x3)dx D.S= _{,[(3x—x3)dx+j[(x3 -3x)dx
. -t ) 0 -1 o o

Cau 20: Cho parabol(P)'y—x2+1 va dudng thing (a’)'y—mx-!-Z Biét ring ton tai m

&&dign tich hinh phéng gidi han boi(P) va (d) dat gia tri nhé nhét, tinh dién tich nhé
nhét do6.

A.S=8 B.S=4 c:.S:g D.S=0
Céu 21: Cho ham s8 y*=f(x).=ax‘°'+bx2 +ex+d, N ;”-:j"-:”)
(a,b,c,d e R,a=0) c6 db thi (C). Biét riing dd thi (C) 1 , ; x
: 4L o] 1
tiép xuc véi dudng thing y =4 tai difm c6 hoanh db R
am va db thi clia ham s6y= /*(x)cho boi hinh vé& - "-\ /
duwedi ddy: - : SRS+ eSS
TmhdlentlchScual'unhphang g101 hanbmdot}u(C) va truc hoanh,
2] 27
AS=== B.S=2- " oCs=9 D.5=>
4 _ 4 4
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Gidi tlch

Cau 22: Thé Hch cua kh01 tron xoay do hinh phang (H) glcn han bdi mién
D= {(x y)]x +(y-2y <1} quay quanh truc Ox 1&:

: A.4:r_r : : B.27* C o C.8xt D.6x*
Céu 23: B6 doc mét quéa dura hiu ta duoc thidt dién 13 hinh elip c6 truc 16n 14 28cm, truc
nho 25cm. Biét at 1.000em® dua hiu s& lam dugc cfc'sinh 5 gia 20.000d. Héi tir qua
dua nhur trén cé thé thu duoc bao nhidu tign tr vide ban nirde sinh t5? (Biét ring be
day ctia v6 dwra khong dang ké, k&t qua da duge quy tron). :
A.183.000 4 B.180.000 4 C.185.000 ¢ - D.1%0.000 d

) . 2
Ciu 24: Parabol y = x? chia hinh tron 6 tam Ia gdc toa dd, ban kinh béng 2\5 thanh hai

~ phin cé dién tich a8, va §,, trong d6 S, < S,. Tim ti 58 gla
. . N . - 2 -
2 -
. 3+ B.3ﬁ+2 C.37r+2 D‘975 2
21z -2 92 127 : 3x+2
Cau 25: Cho ham s§y = f(x) lién tuc trén R va théa mén f(-1)>0< f(0). S 1a dién’

tich hinh phéng gidi han béi céc dudngy = f{x),y=0,x=-1va x=1. Ménh d& nao

sau day diung?

as=[raslele sl

j Flx)ds

Cin 26 (Chuyén Vinh Tin 2): Goi V 1a thé tich khéi trdn xoay tao thanh kh1 quay hinh
* phéng gi6i han bdi cic dudng y= Vx,y=0vax= 4 quanh tryc Ox. Dudng thing x=a

(0<a<4)cit & thi ham S8y = J_ta1 M(hinh vé *\

-ben).GmI/] Ja the tich khéi tron xoay tao thanh khi 7.

quay tam gidc OMH quanh truc Ox. Biét réng ¥ =2¥,. 3

- Khi dé: - _ - ' . l .4 "

C.'Sz_i'fr(x)dx , - D.§=

A.a=2ﬁ B.a=~§— a ._.C.a=2 k D.a=3

Ciu 27(Chuyén Vinh lan 3): Trong Cong vién Toan hoc Do !
" ¢ nhitng manh dit hinh dang khac nhau. Méi manh g’r\f
dugc trong mét loai hoa va né duge tao thanh béi mot = ;
trong nhitng dudng cong dep trong toédn hoc.O d6 ¢6 - \
mét manh ddt mang tén Bernoulli, né dugc tao thanh tie o
du’c‘mg Lemniscate c6 phuong trinh trong hé toa dd Oxy la 16)* = x* ( 25— x* ) nhiz hinh
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vé bén. Tinh dién tich S ctia ménh d&t Bemoulli biét ring méi don vi trong hé truc toa
ag Oxy tuong tng véi chidu dai 1 mét.

125 125 250 ' 125, ,
L AS =22 - —(m") VB.S=T(m2) CS——;—(mZ) S~—3~( )

Cau 28:Cho hinh thang cong (H) giéi han béi cic y
dubngy:i,yzo,x=-l,x=5. Pudng thang x=k
X
- (I <k<5)'chia hinh (H) thanh hai hinh (S:) va
(S2) nhw hinh bén.Cho hai hinh (Si) va (S2) s,
quay xung quanh fruc Ox ta dugc hai khéi tron = 3

...............

................

xoay ¢ thé€ tich lan lu'qt 12 Vi va Vo Tim k d€ o 1 k 5 x
¥, =27,

Y

Ak=325 B;k;l—; , 'c.k=§ D.k=In5

Cau 29:Mot cong ty quang cdo X mudn lam mat A e
bize trang tri hinh MNEIF & chinh gifta mBt e e E R
_bitc twdng hinh chit nhit ABCD <6 chisu cao e ‘ P
BC = 6m, chiéu dai CD = 12m nhw hinh bén. ., ./ ’
Cho biét MNEF 13 hinh chit nhat c6 MN = 4m; | / AR
_ cung EIF ¢6 hinh dang 14 mft phan cta cung L oaE i l
parabol ¢ dinh [ ]a trung diém ciia canh AB va % Y] TR
di qua hai di€m C, D. Kinh phi 1dm bizc tranh 13~ - b
900.000 d6ng / m2. Hoi cdng ty X can bao nhiéu tign d& lam bikc tranh d6?
A.20.400.000 d6ng  B.20.600.000 ddng  C.20.800.000 dong  1.21.200.000 dong
Cau 30:D€ trang trf tba nha ngudi ta v 1én tudmg mét hinh nhw sau: Trén m&i canh hinh
- hac glac déu ¢6 canh 12 2dm la mdt canh hoa hinh parabol ma dinh parabol (P) cch
" canh luc giac 1a 3dm va ném phia ngoai luc giac; 2 'ddu miit cia canh cling 1a 2 diém
gi01 han.ctia dudng (P) d6. Hay tinh dién tich hinh trén (k& ca luc giac).

A83+24(dm’)  B.8V3+12(dm’)  C.63+12(dm?)  D.6J3+24(dm?)
Ciu 31:M6t khudn wvién dang nira hinh tron 6 :
dudng kinh bing4/5(m). Trén d6 c6 ngudi thidt
. k& hai phan d€ trong hoa va trdng c6 Nhat Ban.
Phan tréng hoa c6 dang ctia mot canh hoa hinh
parabol c6 dinh trimg véi tAm ctia nira hinh tron
va hai'd‘él_x miit cia cdnh hoa ndm trén nhitng S
dudngtron (phan 6 mau) va cich nhau mét khoang béng 4(m), phin con lai cla.
- kKhudn vién (phéin khéng t6 mau) danh d¢ trong c6 Nhat Ban. Biét cac kich thwéce cho
nhu hinh v& va kinh phi d€ tréng co Nhat Ban 12 300.000 déng/m? Hoi can bao nhigu
tign d€ trong cd Nhat Ban trén phéin dat d6? (S6 tién duoc 1adm tron dén hang nghin) .
A.1.791.000 dong B.2.922.000 dong, C.3.582.000 dong. D.5.843.000 dong.
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Chinh phuc diém 8, 9, 10 bai tip trac ngluem Gidi tich

Cau 32 Cho ham s8y=f (x) ¢6 d6 thi trén doan[ -1 4]1a mdt du’ong gap khiic nhur hinh

¥

v& bén. Tmh tichphin /= J f (x)ex.

A= "B.J=3

C.l= D.I/=5

(ST gl SRV

Cau 33: Trong mit ph?mg toa dd, cho hinh chix nhat (H) Vcc’) mdt canh nim trén truc
hoanh, va c6 hai dinh trén mdt dudng chéo I 4(-1:0)va B(a;Va), véi a>0. Biét
fing db thi ham s§ y = /¥ chia hinh (H) thanh hai phin c6 dién tich biing nhau, tim a.
Aa=9 . - B.a=3 C.a=4 D.a:% '
Ciu 34: Trén qua dja diu, vi tuyén 30° Bic chia khdi cu'thanh 2 phin. Tinh ti s§ the tich
gitra phén Ién va phan bé ciia khéi cau dé. _
Az 8.27 c2 - p2
B 5 . 5 8
Ciu 35: Cho hai mit tru cé cling ban kinh bang 4 dugce dit 1ong vao nhau nhur hinh vé..
- Tinh thé tich phiin chung cita chung biét hai mat trz vuong gocva cat nhau.
/ \ ‘

AB12  B.2567 " _c.g  p f%?i
- Cau 36: Mot vét thé bing gb c6 dang khdi tru v6i ban kinh ddy bang 10 (cm). Cét khoi
tru bdi mot mat phang 6 glao tuyen véi day la mot ducrng kinh ctia ddy va tao véi

~ day goc 45°. Thé'tich cta khi go be la: -

2000 2000
(em’) DAT( ')
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‘dy dinh ding mét manh vutm nhé duoc chia tir khu vudn boi
" dudng thing di qua O va diém Mitrén parabol d€ tiéng hoa. Hay

- difm clia canh AB va di qua hai difm C, D. Kinh ‘E

.ty'X can bao nhiéu tign d& 1am birc tranh d6?

. Khuén vién (phan khéng t6 mau) dank d& trong

~kinh phi d& trong c6 Nhit Ban 1a 200.000

Ciu 37: Ong B ¢6 mot khu vudm gisi han bdi dudmg parabol va mét
- dudmng thing. Néu dit trong hé toa dd Oxy nhu hinh vé bén thi

parabol ¢6 phurong trinh y=x* va dudng thing Ia y=25. Ong B

gitip éng B xéc dinh dim M bing cach tinh d¢ dai OM d¢ dién
tich manh vurdn nho bang 2

A.OM = 2f o B.0M=3J1_0 C.OM=15 D.OM =10

Cau 38: Mt cong ty.quang cao X mudn 1dm mét bitc tranh trang tri hinh MNEIF & chinh
-gitta mét bl'rc' tiedng hinh chir nhat ABCD ¢6 chigu cao BD =6m, chitgu d2iCD=12m

(hmh vé ben) Cho biét MNEF [ hinh chi nhjt ¢6 MN = 4m, cung EIF ¢6 hmh dang Ia
mét phan ctia cung parabol c6 dinh I 13 trung SRR .. SOOI

phi 1am bixc tranh 12 1.100.000 déng/m2. Héi cong ;
E (59
A.20.400.000 ddng.  B.20.600.000 dong. L
C.25.422.222 d6ng.  D. 21.200.000 ddng. S

€C3u 39: Cho hinh thang cong (H) giéi han boi cac dudng y=—,y =0,x=1,x =5. Dudng
. . - X X

~ thing x=k (1<k<5) chia (H) 'thénh hai phin 1 (S,) va {8,) quay quanh truc Ox ta
thu dugc hai khéi tron xoay 6 the tich Ian lugt 13 V, va V,. Xac dinhk a8 V, =2V,

7

. Ak=§ o Bx=2 C.k=In5. D.k=325.

Cau 40: Mot khudn vién dang nia hinh trdn c6 dudng kinh bing 4+/5(m). Trén dé ngui

thiét ké hai phéan d€ tréng hoa va trong ¢6 Nhit Ban. Phan trong hoa ¢é dang cia mot

 ¢4nh hoa hinh parabol c6 dinh tring véi tim nia hinh tron va hai dau mit cta canh hoa

nim trén nira dirdmg trong (phin t6 maw) cich
rhau mét khoang bing 4m, phin con lai caa

c6 WNhat Ban. Biét cac kich thude nhw hinh vé va

dbng/Im? Héi.can bao nhidu tién d€ trdng cé
Nhat Ban trén phin dat d6? (56 tien duge lim
tron dén hang nghin)

A. 3.895.000 déng ~ B.1.948.000 dbng
C.2388.000 dong D. 1.194.000 dbng

dan
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- Chinh phuc diém 8, 9, 10 bai tap trc nghiém Gii tich

Céu 41: C6 mot vét thela hmh tron xoay. 6 dang giéng nhuw mét cai ly nhie hinh vé dudi
déy:

Ngudi ta do duge dtrcmg kinh ctia miéng Iy 13 4cm va chidu cao 13 6cm. Bidt ring thiét
dién ctia chiéc ly cit boi mit phing qua tryc ddi xung la mét ParaboI Tinh thé tich
V(em’)ctia vt thé dd cho - , , .
szliﬁ BV=12  CV=i DV=75—2
Cau 42: Cho ham s§ y=f(x)=ax’ +bx*+cx+d,(a,b,c,deR,a0)
" ¢6 db thi (C). Biét ring db thi (C) ti€p xiic véi dudng théng y=4
_tai difm c6 hoanh d6 dm va CTothlcuahamso y= f( ) cho béi

hmhvedu‘mday

Tinh dién tich S ctia hinh phifing giéi han béi db thi (C) va truc hoanh: 3

As=2 : BS=£_ CS'=9_ , D.8=>
4 4 a 4

Céu 43: Cho parabol (P) y=x" va duong thang d thay d8i nhung tuén di qua A(J; 4)_

- va khéng song song vOi tryc tung, Tirth gia tri nhé nhét K ctia dlen tich hinh phéng
gidi han bdi (P) vad.,
AK=125 . BK=45 cK:? o DK_5
Cau 44: Mgt manh vadn todn hoc ¢b dang hinh ch nhat, chiéu dai Ia 16mva cl’ueu rong
12 8m. Céc nha Toén hoc ding hai dudng parabol méi parabol cé dinh 13 trung diém
clia mét canh dai va di qua 2 mit ctia canh dai d6i dién; phén manh vudn nim & nuen

trong clia ca hai parabol (phan gach sec nhir hinh vé minh hga) diege trong hoa Hong.

~ Biét chi phi d€ trong hoa Hong 1a 45.000d6ng/ Im? . Héi cac nha Toan hoc phai chi bao
nhiéu tién d€ trong hoa trén phin manh viedn d62(S8 tién duge 1am tron dén hing

nghin).

et

A.3322000dong  B.3476000ddng  C.2.159.000 dong - D.2.715.000 déng
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Cﬁu l45; Xét hinh phings (Dj gidi han bdi cac dudng y = (x +3)2 , ¥y =0,x=0, Goi AA(0;9),
B(b;0) thoa man (-3 <P <0).Tim b d¢ doan thing AB chia (D) thanh hai phin c6
dién tich béng nhau.- , '

CAbs.2  Bb=—. © Cb=-l, D.b=—2,

SO GD & PT PONG THAP - KIEM TRA HOC K1 1 LOP 12 GDTHPT

Cau 46: Ngudi ta cin som frang tri mdt bé mit chia mdt cong chao cb
hinh dang nhir hink V& sau day. Céc bién cta hinh twong tmg la ¢
cac parabol ¢6 phuong tiinh y =-x’ +6x; y=-2x +12x-10 (don
vi do d6 dai 1a mét). Hoi cin it nhat bao nhiéu lit son? Biét ti 1

]

phit ctia son 1a 10m™ / Lit.
A 361t . B.2,21it : : o
C. 1,5 lit D. 2,4 lit

Ciu 47: Cho hinh thang cong (H) gidi han bdi cac dwdngy = 2 ¥
y=0,x=0,x=4. Dueo'ngthang x =1(0 <a < 4)chia hinh (H) thanh
halphancochennch 14 S, va S, nhw hinh v& bén. Tim a d& S, =48,

A.. a= 3 logz 1 3 :s-:

i 16
C.a=2 D.a=log2?

Ciu 48: Ong “An c6 mot manh vuon hinh elip cd do dai
truclén bing 16m va dg dai truc bé bing 10m. Ong
mudn tronghoa trén mdt dai d&t réng 8m va nhén truc
bé cta elip lam trutc a5i ximg(nhw hinh vé). Bigt kinh
phi @€ tréng hoa 100-000 dong/1 m2. Hoj 8ng An cin bao
nhidu tién d€ tfong hoa trén dai d&t d6? (S8 tién drge lam tron dén hang nghin)
A.7.862.000 ddng B. 7.653.000 dong C. 7.128.000 déng D. 7.826.000 dong

Ciu 49: Ong An c6 mot marth vieon hinh elip c6 dd dai truc 16n béng 16m va dé dai truc
bé bang 10m. Ong mudhn trong hoa trén mdt dai dét rong 8m va nhan truc bé cla elip
lam truc d8i ximg (nhue hinh ve). Biét kinh phi d€ trong hoa la 250.000 déng/1m2 Hoi

_ 6ng An cin bao nhiéu tién d& trong hoa trén dai @it d6? (S6 tién duoc lam tron dén
. héng nghin). o
- A.7.862.000 dong.  B-11.479.337 dbng.

C.7.128000 dong. ~ D-7.826.000 dong.
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Chinh_phuc di€m 8, 9, 10 bai tip tric nghiém Giai tich _

Ciu 50: Mt chiéc cdng Parabol cao 16m va 2 chén cfng cich nhau 79
8m mhu hinh vé. Nha thiét k& xay dung x3y 2 ciy o6t AD, BC
cactr ‘nhau 4m (2 cay cbt nay d6i xing véi nhau qua truc déi
xi¢trig clia Parabol), 2 phan cdng nhé ¢ 2 bén danh cho xe mdy
va xe dap qua lai va phin cdng to & gita chi danh riéng choxe 1-\N
bus BRT. Tinh di¢n tich phan thit dién cfng danh cho xebus ~} A | B\
BRT diqua. o

176, 128 ' 64 256l
as =) <) cs-%)  ps-Z)
Cau 51: Ngudi ta trong hoa vao phan dat duge t6 mau den A D

duoC gidi han bdi canh AB, CD, dudng trung binh MN cda

“manth dithinh chit nhit ABCD va 6t duong cong hinh sin

(nhr hinh vé). Biét AB=2x(m),AD=2(m). Tinh dién hch

phan con lai. :

A.47mc—1 B.4(n-1) C.4n-2 D.4n-3
Cau 52: Mot manh vidm hinh tron tim O ban kinh 6m . Ngudi

ta can trong cdy trén dai d4t rong 6m nhin O Iim tim déi

xtmg, biét kinh phi trdng cdy 12 70000 dong/m’. Héi cin

bao rhiéu tién d& trong cay trén dai d5t dé (56 tién du’qc lam
tron <dén hang don vi) : _
A. 8412322 dong. B. 8142232 dong C. 4821232 dong.' D. 4821322 déng.

Ciu 53: Ngudi ta cin trong hoa tai phan dat n¥m
P[—ua ngoai du’ong tron tam gdc toa do O, béan

kmh béng — J_ va phia trong cia ehp co dd dai - L K s

truc lcm bing 2\/5 va d6 dai truc nhé bang 2 & y
(nhir hinh' vé bén). Trong mdi mét don vi dién ‘

N 100 .
tich c&n bén +———— kg phén hitu co. Hoi can
S 2 BP

o

\

stz dung bao nhiéu kg phan hitu co d& bén cho hoa?

A.30kg - B.40kg -C. 50kg D. 45kg .
Cau 54: Ban A 6 m{t cSc thiy tinh hinh try, dudng /\ :
e

kinh trong long ddy c8c I2 6 cm chidu cao trong | ; ‘ -~ \ L
long cdc 1a 10 cm dang dung mét lepng nudc. ,i i -
- Ban A nghiéng cfc nuedc, vira lic khi nuede cham - |
" miéng cBc thi & ddy muc nude trimg véi dirdong
kinh déy. Tmh the tich Ivong nuée trong coc. - _
Alsmem® . 7 B.60mem® C. 60cm’ D.70cm’
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Ciu 55: Ngudi ta dyng mot cai leu vl (H) c6 dang hinh chép luc gidc déu nhu hinh vé
bén. Déay caa (H) 12 mét hinh luc giac déu c6 d6 dai canh 1 3m.Chiéu cao SO =6m (50
vudng géc véi mit day).Chc canh bén cia (H) 1a cac
SOi €}, C,,Cs,C45C5,C NAM trén céc parabol ¢6 truc d6i
xtng song song véi SO.Gia stt giao tuyén (néu cd)
ctia (H) véi mit phing (P) vudng géc véi SO va mdt
tue gidc d2u va khi (P) di qua trung diém cia SO thi
luc giac déu canh bang 1.Tinh thé tich khéng gian s
bén trong cdi [éu (H) dé. : o %

APy %) cBEw). BB

Cau 56: Ngudi ta lam mét chide phao boi nhue hinh vé (véi bé mijt cé durac biang cach

quay dudng tron (C) quanh truc d). Bigt rang OI = 30cm, R'= 5cm. Tinh thé tich V clia
chiéc phao ' '

E] &

AV=1500m o’.  B.V=1500%% cm®. C.V=9000mem®.  D.V=9000r" cm’.

TRUONG THPT CHUYEN NGUYEN QUANG DIEU-LAN 2
Chu 57: Ong An mudn lam cira ro sit c6 hinh dang va kich -
- thude gidng nhw hink vé bén, bidt dudng cong phia trén 1a '
mét Parabol. Gia 1m® cira r3o sét 12 700.000 dong. Hoi dng
An phai tra baonthiéu tién d€ lam cai cta sit nhuw vay (lam
tron dén hang phén nghin) A 0 B
A. 6320000 dong . B. 6.620.000 ddng
C. 6.520.000 ddng D. 6.417.000 dony,

Y

Céu 58: Cho 2 dwdmg tron (O;5) va (0,33) cét nhau tai 2
"diém A, B sao cho AB Ia 1 dudng kinh clia dudng tron
(0,). Goi (D) 12 hinh phing duoc gidi han boi 2 duimg

tron (& ngoai dudng tron 1én, phén duge gach chéo nhu
hinh v&). Quay (D) quanh truc Oy, 2 ta dugc 1 khéi fron
xoay.Tinh th€ tich khdi tron xoay duoc tao thanh. ‘

14m 68n

AV=T pv=2" c‘v—‘mTI
3 , 3

3
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Chinh phuc di€m 8, 9, 10 bai tip tric nghiém Giai tich

pE THI THU SO GIAO DUC VA DAO TAO BINH PHUOC

Cau 59: Mot khéi cdu ¢6 bédn kinh 13 5(dm), nguoi ta cit bo hai
phén ciia khéi cdu béng hai mat phing song- song cung vubng

goc duong kinh va cach tim mot khoang 3(dm) 4€ lam mdt -

chi€c lu dung nuée (nhu hinh v&). Tinh th& tich nwdc ma chide - - ‘

Iu chida duge.

A.l——n(dms) B.ﬁn(dm’ ) . Cdlndm’)

———m

'L,_ v

PR

N I
———

'D.132n(dm’)

Céu 60: Cho khéi cau tim O ban kmh R. Mit phéng (P) cich O mot khoang. B— chia khéi

cau thanh hai phin. Tinh ti 58 the tich clia hai phan dé:
A B2 c=
- 27 19 24
Céu 61: Ta v& hai nira dudng tron nhu hinh vé bén, trong dé
duong kinh ctia niza dwdng tron I6n gdp déi dudng kinh caa
nita dudmg tron ntho. Bist ring nira hinh tron duong kinh AB ¢6
“dién tich 13 87va BAC=30°. Tinh the tich ctia vat the tron
xoay dirge tao thanh khi quay hinh (#) (phin t6 dam) xung

quanh dudmg thing AB. -
A, EZE:: : B. ﬁﬂ' C. 2‘}—
3 : 3 3

Ciu 62: Cho hmh tron cé ban kinh béng 2 va hinh vudng ¢6 canh -

bang 4 duoc xép chdng 1én nhau sao cho dinh X cdia hinh
vudng la tdm cta hinh trén (nhu hinh v& dudi). Tinh thé tich V

cha vt thé tron xoay khi quay mé hinh trén xung Hinh truc XY, -

-A.V=32(ﬁs+1)z_ . B-V,=8(5€+3)ﬂ
8(sv2+2)r _ o 8(42+43)x
= D.V ==

Cau 63: Mt manh vuon hinh tron tAm O ban kinh 6m.
Ngudi ta cin trong cay trén dai dét rong 6m nhan O
lam tAm d6i xing, biét kinh phl trong cay 1a 70000

dbrg/ m2 Hoi can bao nhiéu tién d& trong cay trén dai
dét do (sd tien dugc lam tron dén hang don vi).
A.8412322 dbng. - ~ B.8142232 dong.
CA4821232 dong.  D.4821322 ddng.

C
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Ciu 64: Trong mit phang (P) cho hinh vudng ABCD cd canh
~ biing 7 va hinh trdon (C) 6 tam A4, dudng kinh bing 14 nhuw
hinh v& bén. Tinh thé tich V cta vt thé tron xoay duoc
Vtao thamh khi quay md hinh trén quanh truc la dwudng
thing AC.

343(12+J§)n ' 343(4+3_J§)n

AVs—r— 1. BV=—rr—~
6 - ' 6

343(7+2)x 343642}

C.’V =7 DV=—2 7
: 6 - . 6 .
Céu 65: Cho 2 duong tron (Os; 10) va (O 6) cit nhau tai 2 PN

diém A, B sao cho AB 1a 1 dudng kinh ctia dudng tron 4 R

(O,) 'GQI (D) 1a hinh thang @uqc gi6i han bdi 2 duwdng tron
(¢ ngoai dudng tron 16m, phan dugc gach chéo nhuwe hinh
vé). Quay (D) quanh triuc O1, Oy, ta durege 1 khéi tron xoay.
Theé tich khéi tron xoay dugc tao thanh la:

we A P 14z .. - 687 207

BYV=—0o . Q="
3 3

Cau 66: Cho ham s§ f(x) lién tuc trénR va f(2) =16, J.f(x)dx 4. Tirh Ixf (2x)dx.

A. 13 a B.12 Cc.20 D.7

- . Ciu 67: Ngudi ta di dinh xdy ding mot cdy cau ¢ hinh parabol & bic qua séng 480m.
Bé day ctia khdi bé téng Hm mit ciu 1 30cm, chitu réng ctia mit ciu 14 5m, diém tiép
gidp gifta mat cau véi mdt dudng cach by sdng 5m, difm cao nhét cha khéi bé tong
lam mat cdu so véi mit duong la 2m. The tich theo m? ciia khéi bé tong lam mit cau
ndm trong khoang? '

 A(210;220) B.(96;110) - €.(490;500) D.(510;520)

- Céu 68: Mt khdi ciu cé ban kinh 5dm, ngudi ta cit bd 2 phin bang 2 mit phang song

song va cch tm 3dm. Thé tich phan con lai ctia khai cau la:

A 1327 1it B.41x lit C. @ it D. 437 lit

LI GIAY CHI TXEY
Cin 1 Déé an C.

k : -
" Dign tich hixfh’phfmg:S:jln(x)dx .Dit u=In(x) = du=Lds
. . _ i x .

. k -
,dv=aix:_>v=x;S=_x.ln(x)|f ——Jldx=k.1n(k)—k+1::>k=e
]x
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Chinh phuc diém 8, 9, 10 bai tap tric ngluem Gidi tich

Ciu 2: Pap an C _
Hodnh d giao diém ctia y=3" véi y=4-x langhiém phucmg trinh 3" =4-x & x=1

oS- J'(tl»l—xr—-_e’)dx = ln3|:!(4—x~3‘.)dx~%} =2

Céu3:Papan C.
Yéu cau bai tip <> Dién tich hmh phang gidi han boi y =1-x; sy=kx= 0 bang dién

txchhmhphangglmhanbcny—l x,y Xily= kx>0.
STk

j(lx—dxjk1+xdx+j'kx+1)dx
o G .
L= k=Ya-1

Cidu 4: Dap an B. ‘ 7
Ta co: -S(r)=j j 1 dx
o 0(x+1)(x+2) 2l x+1 x+2 (x+2)
[ |x+]| ] .
lx+2] x+2

Suy ra limS(t)= 11’12—5

]z+1| 1.1 1
M2 2752 2

Ciu 5:Pap an D.

1 )
Vor = 'JtJ.(xlnx)2 dx = 1:-|‘x2 1n2 xdx
0 o

i, |du=2mrd
Dat: { = *

dv=xlax | _1.;
' 3 , ! ,
::»V=~1:EJ\:3lrxz,xr—2—11:"‘33l1r1)cd>c=E.e3_—2-E lchlnx 1 xtdx =l(5'e3—2)
ER IR 3973 3 27 |

3

Ciu 6: Ddp an B.
Xét cac phuong trinh:.

o Y=x432+x-3=0ox= 1 (vi v& trai 1a ham s& dong bign vi nhan x=1 lam
nghiém nén nghiém a6 [a duy nhat).

e T=1ox=0 |

e ~x+3=lex= 2

Khi do dién tich hink phang duoc tinh theo cOng thirc:

—1[dx+ﬂ—x+3 1[dx~é——% |
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Ciu 7: Pép an A.

 Phuong trinh hoénh d6 giao diém x3 -3 =0 [

Do d6 dién tlch]:unhphaﬂgla §= “x -3x tdx—

Ciu 8: Dap an C

x=0 '
x—3

27

D1en tich hinh phang du’UC tinh theo céng thi S ”x +x| dx=

Cau 9: Piép an B. , 7
Taco: f(x)=x _—2x=0©rx=0vx=2

Lap barig xét ddu ta duoc: £ (x)<0,x € (52), f(x)>0,xe (2;'3)

jf(x)dp-ff(x)dﬂjf(x)dx

Céu 10: Pap 4n B.

\ - .
- Tacd §, = .{ i ‘dv = 3 Hinh vudng OABC c¢6 dién t1ch S=4>=16.
L ' o

16
Suy ra 8§, =5~ S-lG—E:2
3 3
Véyﬂﬂ- '
2 N
Ciu1i: bap an B.
'-Diéntichhmhtrbnlé S=1U‘2=8n
Tac N dx 27r+i
20 3
SuyraS =5-8 = 6ﬂ—§VyS' ont2

S, 9n-2
Cau 12: Dép an D. '

Phuong trinh hoanh d6 giao diém xf2 x =x @[

‘ S=I|x2— 2~
2

w1
=t

2 3.
Ciu13: Dap an B.

x=1

Xét phurong trirth x? =2-x <
P1 g_A x [xr—Z(Loai)

khangvietbook.com.vn DT: {028) 39103821- 0903906848

x=-1
x=1




Chinh phuc di€m 8, 9, 10 bii tip tric nghiém Giji tich

Do d6 S=}(2—x~x2)dx=—
_ AN .

Cau 14: Dap an C.

]
Tac6:8=2jmabc=§
0 .

X‘p

Cau15: Papan D. :
Giao diém clia d6 thi ham s6 y =ax’ (> 0) Vi truc how . wawsus s w5+ -

Dién tich hinh phéng gidi han boi cac dudng dé bai da cho:

j i ol |~a] |ak*] @ ak4
ax’dx — = == ==
' AN
- 4 G
Hayg ﬂk._._ﬁ - . 1,
& 4 _ - ,
Sl+k =17 k=2dok>0 L .
R Tevor> e SN

Cau1é: Pap an D.

Phuong trinh dudng thing 4B:y = %x +§

- 31 5Y
V=nj[—x+—) dx=78=n
2 .

Cau17: PapanD. .
Elip ¢6 d$ dai truc 16nla 6, trucbe la2. Do do: §,=6

N
Tacd: §,=—(V9-x"dr=3n.Viy L==.
e 3;,[ PO S T2
.Ciu 18: Pap én A.
. B 3 ) [ 5 ! Y
- Ta co: y’zzx?—lrby'(—2)=2.Phuongtrinhtié'p tuyén can tim B y=2x+4

x=-2

l - Phtrongtmﬂ’thoa:ﬁ-ndqglaodlern %fux 2x+4<:>£11x ~3x—4= O<:>[ 4

; (;x3—x)—(2x+4)
4\ 4 .
Ciu 19: Pap an C. '

.Xetphuongtrum:c-—x e 3x 0<:>x Ohoacx +3.

dx =27
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Dién tich hinh phéng dugc tinh bdi cong thirc:
S “x —3xldx I x —3x dx+J. 3x x )dx
-1

Céu 20: Pap an C.

Phucngtnr&thoarﬂmdogzaod1emcua(d)va(P)1ax tl=mx+2 & 3 —mx—-1=0

Phuong trinh Iudn c6 hai nghiém phén biét x, < x,. Khi d6 dién tich can tim

X2

S;T(mx+1-x3)dx:[mx72+x_.§_]

. s L3 3
=5 (8 )+ (5 -n) -3 =)

- X

;(xz_x,)[(xz+x,)%+;_§((x;+x,)2_x,x2)]= m2_+4[m?2?+§)zg ‘

- Cau21:Pép an B.

Theo bai ra; ff(x)=3ax24f2§:x+c tlr &6 thi thi f'(0)=c:—3:>c=—3.
Ta thdy f'(—1)=3a-2b+c=0;/'(1)=0=3a+2b+c=0.

¥

Tix hai diéu nay suy ra dugca=1,b=0,viy f(x)=x"-3x"+d.

fsf = Fie)

Ding ndt gia thuyét tiép xvic véi dudng thing y =4 tai diém 6
hoanh d6 &m. Pudng thing y=4c6 he s8 gock =0, gia siz tidp

d.u f/;"-'f" .

difm l-z‘zrx0 kl'u dé y'(x,)=0 ma x, <0 nén Ehéfy ngay x, =—1.
Mit khéc, y(—1)=4=2+d=>d =2
 Viy y=x"—3x42. Tinh dién tich £ié han béi d thi vi truc hoanh
o o 27
S= dx = 3 _ dr=—
5= [l (2 -sms a2

i -2
Cau22: Pap én A.

Ta co: Jc2+(y—2)2 =l y=2+V1-x* vy=2-v1-x7, (—ISx'SI)

'Ih('%'tidlkhé’itri_)nxoaszﬂ_j{[P% I-xz)z—-( —l-x ) }cbc 163!\!1 ~x*dx=4x*
: RAN
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Chinh phuc di€m 8; 9, 10 bai tap tric nghlem Gidi tich
Cau 23: Dap an A. -

2
Tacophucmgtrmhehp(E) e ]2}’52 =

Thé tich ctia qua dua

2y . o
= 1[1252.125 )c&_8750ﬁ‘tcm3

147 3

87507 20.000

: ~183.000 4.
3 71000

.58 tién thu duge T =

Cau 24: Dap an B.
Dién tich hinh tron IaS arl= 8::

Talcé:S,.=:[‘\/8——‘ :

Suy ra 8, =S-S5, =67z—~§

Ciau 25: Bap anB
Ciu 26 (Chuyen Vinh Iin 2): Pap 4n D.-

4

2

Taco V= fr.{xdx ;z'? =8 =V =4x

b
Goi N 1a glao di®m clia duong thing x=a va truc
hoanh. .

Khi d6 V1 1a thé tich tao du'oc khl xoay hai tam g1ac OMN va MNH quanh truc Ox voi
N 13 hinhchiéu céia M trén OH.

Taco: =§ﬂa(J2) .+§;r(4—_a)(\/6—‘)2 %%xq=-47r2> a=3

Cau 27(Chuyén Vinh [in 3): Pap an D.

Hoanh 46 giao diém cua do6 thi VOI truc hoanh Ia: -
x=0;%=-5x=5. : . / : y, TN
Dién tich manh d4t Bernoulli bao gdm dlen tich 4 o {rw__* / o \l X,
manh d3t nhé bang nhau, -9 \ ,}',/ \ ’,' 5
Xét dign tich s ciia manh @&t nho trong goc phan. g S~

tue that nhat, ta cd:

4y = x[25-x* xe[05]=>s=-~-[x\/25— —11225 =5= 4E—E(m2)

_ 12 3
Cau 28: Dip an B,
k,
=7z’[1——.1—J
' k)

SR
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oo 2]

E
1
3
PN
|
|
| —
e
=

!
H
A 4

Ciu29:PapanC.
- Néu chon hé tryuc toa d ¢6 gbc 1a trung diém O
ctia MN, truc hoanh tring véi dudmgthang MN

F' Y

thi parabol c6 phuong trinh 13 y = —éxz +6

- Khi dé dién tich ctia khung tranh la: ‘
2 D
S= j(—— +6de—@ m’
e} 9 :

- Suy ra s tien Ix: %x 900.000 = 20.800.000 dong.

Céu 30: Dap an D,

2
- Dién tich luc glac déu canh 2dm a8, =6. 2—4£= 63 Parabol di qua 3 diém A( 1; 0)

B(1;0),C(0;3)¢6 phuong trith y =—3x +3. Dién tich ctia mbi cénh hoa la:
. _
S, = [{-3¢+3)dr=4
|

Dién tich can tinh 1a:6+/3 + 6.4 = 633 + 24 {dm’ ).
Cau3l: Pap an D.

G#n hé truc toa d6 Oxy vao hinh sao cho O tring véi

tam parabol, truc Ox trimg véi dudmg kinh ntta diedng

tron va truc Oy hu‘é'ng xudng. Khi d6 dién tich phén

t'rong hoa bang 2jx —20- P dx ~11,93962. Suy ra

dién tich phin trong 6 Nhat Bin bing
107 —11,93962 ~19,47631. Do.vdy sd tién can thiét d&
trong co 1a x&p xi 5843000 dbng. '
' Cau 32 DipanA.
Ki hiéuSy, S: 1a dién tich cdc hinh thang giéi han béi db thi ham s8 ¥ = f(x), truc
hoanh, Mmgﬂngﬁén mién—-1<x<2 vatrén mign 25x<4,
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Chinh phyc diém 8, 9, 10 bai tap tric nghiém Gidi tich

T4

Khi d6 S, = if(x)asc,.s;: —J-f(x)d:;

-1 2

Tt gia thiét, ta tinh dwoc S, = 4;8, = % do dé:

' ’[=j‘f(")abf=j.f(x)e:ix+jf(x)dx=SI_S2 =§-
Ciu 33:!D:ip 4n B__[ :
Tit gia thigt, céc dinh ctia hinh chit nht () 1a 4(~50),C(a0), B{a;va), D(-1,Va).
Do 6, dién tich hinh ché nhit (H) la(a+1)va . Xét phin cita (H) (b chia boi db thi
\/;dx=§&/c_zj.Nhu viy

a

¢

him s8y = /x ) ma c6 chira dinh C, dién tich clia phén nay Ia |

ta phai cé(a+1)\/E=2.%\/EJ @ a=3.

Ciu 34: Pap an B. .1
Chon hé truc Oxy sao cho O(0;0), B(0;1), D(-10). l[
L&y M sao cho MOD =30°, ta c6 y,, = ya

- o 2 ‘ C: gi} £

Phuong trinh duéng tron tam O ban kinh OBlax* + y* =1.
Theo dé, cungMB ¢6 phuong trinhx = —/i—y* . Thé tich khéi tron xoay khi quay

cung MB quanh truc OB Ia: z}(ﬂ/l—yz )2 dy= 24—57r' :
- - N - l ° - N -

4 5
. : " =T 27
Ti 58 thé tich c‘anﬁmbang35—24=?_
—7
24

Cau35:DépanD. -
v" Cach 1: Ta xét % phén giao ctia hai trg nhue hinh

Ta goi truc toa d6 Oxyz, nhue hinh vE&
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Khi 86 phin giao (H) 12 MOt VAt the c6 déy 1a mdt phién te hin trdn thm O ban kinh 4,

thiét dién cia mat pr¥ang vudng gée véi Ox 1a mot hinh vudng c6 dién tich

S(x)=4" - _

s 4 p w128 . |

The tich khdi () a | S (x)dx=j(16—x“)dx=T'. Vay thé tich phin giao 1a 1022
el .

) " N 16
/ Céch 2: Diing cbng thi < 10ng quét giao hai fru ¥ =K’ = —1%.

Ciu 36: Dap an A.
Chon hé truc toa dd

yrhu hinh vé. Khi d6 khite g bl ¢6 déy 12 nira hinh tron 6
_phuong frirh ¥ =m,x € [—10;10]

Mot mit phing cit vOng goc véi truc Ox tai di€m c6 hoanh d6 x, x & [-10;10] cdt
Khuic gB bé theo thigt (110 €0 dién tich 1a S(x) (xem hinh).
DB thily NP =y va MN = NP.tan45° =y = 100 - x" . Suy ra $(x) =%-MN.PN —100—x?
' 0 10 -
' 2 1 13 1
 Khi 46 hé tich Khiie gB PEE V= [ S(x)dx =— [ (100~ Jax :2—‘;’99(\:313).

~10 -10
Cau 37: Pap an B.
Giasit M (a;az) suy ra phu'ong trinh OM : ¥y =ax
Khi 46 dién tich khu vuon [

_s=T(ax'_xz)dX:[a§“§]

4

a
0

a’ 9
= P —5@3.—3

| Khi d6 OM =310
Ciu 38: Dap an C. :
Goi O 1a trung diém ct1a MN va triing véi géc toa dg
=M(=2;0), N(2;0)-

PT parabol dink 1(0;6) ¥& di qua hai diém C(~60), D(6;0) 1a: (P):y = 6—1x.
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Chi s=h phuc diém 8, 9, 10 bai tp trdc nghiém Giiitich

-

- SOGD & pT DONG THAP KIEM TRAHOC Ki II LOP 12 GDTHPT
CaLm 46: Dap anC,

i 2 : x=0 2 X=
T acc X +6x=0 va =2x"+12x-10=0

y
9
| [ién tich can phii son La: -
=fl6x—x*}dx - [{12x -10-2x2
S =J(6x—x)dx-[(12x )dx

. L
={3x2-Z | _|¢x? IOx 2l
.- 3 3 A

: : 44
[>© d6 lugng son f.j‘ﬁr_n-s_& dung: Eg =15 lit

&

64 44 ot
-36—7=?(m2) e

[

a S oax R 7 x 4 _
S, ={2%dx =" Call I el S j’2 dx=-2 =2—1-
17 2, m2’ m2| " 2

2¢ -2, 2l
in2- " In2

Tir S, =48, < @2“=4¢:>a-=2 (thda man dk)
Can 48:Dip an B.

’ y?
1ron trmheh la: —-+ =1.
Ph g P 64 25

Ta ¢ dign tlch manh vieon ¢an im duoc chia lam 2
la S '
G#n tam elip1a O, tryc 16n lé Ox, trucbé 1a Oy.

S dung Gng dung tich phén, dién tich phén nay s& gigi han qua dudng cong

25x?
25—
Y= -64

qua truc Ion goi dién tich 1 phén

va2_dlrcrngx 4ix=-4,

4 25
Ta ¢ S=I 25— 6:

dx =38, 2644591( Str dung Casio, tuy nl"uen cod the giai théng

thuong qua dat X= Ssmt)

Nhu vay 50 tén can Fole) la 38, 2644591 2 100000 = 7652891 & 7653000
Cau 42: Pip a an B.

Chon hé truc nhur hinh vé véi 2a=162b=10 ,"- .

Suyraa=8b= s L 4: ;;_"_ \;
x? ¥ _ \\] S

Khi dé phuong trinh elip 1a: _6_4;+-2—5 =1 o ST
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- Xét dudng cong ndm phia trén truc Ox khi d6 phutorig trinh dwong cong la:
. 7 :
X

Yy =25]1-— .

IR
. . 3 7 .

Khi dé: S=5J 1—‘.—}-{——dx.1L)é_‘1tsint——~5 te[—E E] suyracostdt=ldx

S P 8 2°2 8
' x=7—4:>'sint=—%:>t=—

Pdi cin )

‘ ) ) .o T
X=d=>sint=—=>t=—
: . 2 6

oA

) % . % '
" Dodds =5 j d 1—sin2_t.8costdt = 40_[ cos” tdt
. g L . _%' - _E .

=2'%+10J§

E 4

. .
c=2 _[ 1+cos2t)dt-5[t+sm2t)

| Kludodlentlchhmhtronghoalas —28—40—n+20\/_( )

- Do d6's6 tién 6ng An cindé@ trdng hoa la: T = §,.150000 =11.479.337
Ciu 50: Bap an A.

. YA
Chon hé trye nhwr hinh vé M (~4;0); N(4:0)
. Khid6 phuong trink Parabol ¢6 dang b N
g y=ax2+bx+c= (x~4)(x+4) (vi parabol cit truc Ox tai Mva N).
Mt Khac, Parabol di.qua diém (016):>a-—1 M/ —— ?;
. X
Do d6 (P):y=16-x"
e , 2 <Y 176, ,
-Khi d6 dién tich cng to1a S = [(16-x" }dx =| 16x - | =——(m’)
' S LA 3), 3

Ciu 51: Bép 4n B.
Goi O la trung diém ctra MN. Chon hé ttyc toa dd Oxy ¢6 truc Ox ii BC,Oy||AB . K
6 d6 thi dang y = Asinbx.

Do AD=2=maxy=1=A =1 _
Do ham s& tuin hoan véi chu ki 2n=> b=1=y=sinx
Dién tich phan dét trong hoa la:

; - | oy YA
=4 Eh. <R
0 . S © e e e

Dién tich phan, @4t con lai 1 27.2—4=4(n-1)

S='2J‘sinxdx=—2cosx
. ;
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Chinh phuc digm 8, 9, 10 bai tip tric nghiém Gii tich

Cau52: Pdp an D.
© Xét hé truc toa db oxy dit vao tim khu vuon , khi 46 phu'ong trinh ducng tron tam O
lax’+y?=36. Khi d6 phan nita cung tron phia trén truc Ox ¢6 phuong trinh |
»=v36-x* = f(x) . Khi d6 dién tich S cita ménh d#t biing 2 lin dién tich hinh phing
gioi han béi truc hoanh do thi y= f(x) vahai duong thang x=-3;x=3

== 2J'\f36 x? dx

bit x=6smt;>dx_=6costdt.96’ican: x:—3:>r=—%; x=-3_:'t=%

T

x -6
=8= 2}36cos fd:_36[(cos2t+1)dt_18(smzt+2t)| _18J§+12z

A.E R x

LAE

a\!'a

6

Do d6 s tién can ding 1270000.5 ~ 4821322 dbng.

Cau 53; Bép a.n C.
d ‘.\
AN
\J
-1

yz -

v Phuong phép: Dau tién pha1 tinh dugce S clia ehp du‘a vao phu‘cmg tnnh elip

-1

Ta chla dé tinh Z elip trude

2 "2
v Cich gidi: Phuong trinh elip: ——+2-=1 ' ax

2
() ! -
x2 7 3 o
Tachk y= 1“? {mdt niva caa elip). _ \

VR . 2 x*
Dign tich cda elip tao sé la: §= 4_[0 1—?dx

o]
-3
. b

bat x= \Ecosa =] —g =sin’a . Suy ra: dx =—/2sinadx

Déi can x=x/5:>a=g;x=0 thia=0;

'mla =)
“Jip

| :SI=E—\ESih2 ada :%j‘;(cosk—l)da=£[;sm2a x)
2 2 -

230



L e e RN PR RN ISOAS  RESEAT T et T eoiT A, et nn

khangvietbook.com.vn_DT: (028) 39103821- 0903906848

S= 4Sl_ = \/511:; Dién tich hinh fron la: %n; Dién tich trong hoa: S, = n(\/_-%]

- 1100 1 ‘
S8 kg phan bén 1i: ——-—.[ﬁ——~)n=50 kg.
8P )\ 2T

Cau 54 Dap an B _
Dung hé truc toa d¢ Oxy (cac em ty vE hinh). Goi S(x) 1a dién tich th1et dién do
mitphing cd phurr.mg vudng goc voi truc Ox véi khéi nuede, mit phing nay cdt truc

h-x%)R
Oxtaidié_’mcéhoénhdé h2x20.Tac6:i—:hhx@rz-%—.,wﬂuetdmnnay
' 2 g(h-x)'R? .
12 néra dudmg tron ban kinh r:>S(x)=Er2—=(—2hz)--— ;

The tich lugng niedce chuta trong binh La:
V=18 dx
! (x)ax 200[(10 x)

o R, - on { x> 5|10
= [(x? +100-20x Jdx = = +200x ~10x
2001 : 200 3 “ o
Cau 55: Pip an D.
* Chon hé truc toa dd Oxy sao cho O trung voi gﬁc toa df va S0 song song vl truc

- . T=J14+8Y o yn
tung siy ra phurong trinh Parabol chita canh bén Iéu fa: x = Ty Thiét dién vudng

= 60nl(cm3)

géc voi SO va cit cac canh bén cha luc gidc déu cé dién tich bang

(X3 _3ﬁ[7— 1+8yJ ()

4 2 2

¢ 3J§(7—,/1+8y}dy'=.135\/§ (m?).
| 8

Suy ra thé tich trong [éu bang: V= J _
. b2 2

Cédu 56: Dap an B.
- Phuong trinh dudng tron B x” +(y - :;O) =25

f(x)=30+\}25—x2

Suy ra y=3{7)i\/25—x2 . Khi d6 V dugc gidi han boi hinh phing :
' ' ‘ (x)=30-+25-x"

N N - 5.
khi quay quanh truc Ox. Ta ¢6: V = 11:J' |f 2(x)-g’ (x)|dx =150077.
T -5
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. Chmh phuc di€m 8, 9, 10 bai tip tric nghiém Giai tich

TRUON G THPT CHUYEN NGUYEN QUANG DIEU LAN 2
Cau 57: Pdp 4n D. )
- Phuong phap: 4
~ + Dién tich kKhung cira bang tong dién tIC‘h hmh chix nhat va dlen D - C
tich ctia phian parabol ph1a trén, -

- Cachgidk: = - ' | A 0 5
+ Dién tich hinh chiz nhat1a S, = ABBC=5.1,5= 75( ) '
Goi dudmg cong parabol cé phuong trinh y = ax’ +bx +C
Dudng cong ¢é dinh I{0:2) suyra: b=0,c=2=y=ax’+2

55 2 2 .
P diquadiém: C| == |Da=-—=y=-"x'+2.
Lrorngcong i qua didm: (2 3) EETd kel

- . _ 25 ¢ ?
Phin dién tich tao bdi parabol va duong thing y=15 1a: S, = j [2—§x2 +0,5de =

-2,5

3

-

—S§= S, +8, = 565:)1:"?700000 6417000 dong

Céu 58: Dap an C.
Goi Vi 1a the tich clza khcn tron xoay sinh ra khi quay hinh phang Dn dufoc gidl han boi

che dudmg Y =4/9~(x~ 4) Y= O, x=4,x= 7quaytructung
:>VE=TC_”: —(x~ 4)]{1

Goi V2 1a thé tich khéi tron xoay sinh ra khi quay hinh phéng Dz dugce giéi han bm Ccac

'ducmgy N25-x%? y 0,x =4,x = 5quaytruct-ung:>V —nI 25 x)dx

Khi d¢ thé tich khéi tron xoay can tinh bing:

V=Vi-V, - #i'[9—(x -4)2}13*{(25— x? Jix.

Suyra V= A;—O?t.

PE THI THU SO GIAO DYC VA DAO TAO BINH PHUGC 7
Cau 59: Pép an D.

s .- = P . 7.\. . a s P . 'y h
Thé tich ctia chém cdu c6 chiéu cao h chia khdi ciu bdn kinh RIa V, = nh? (R -EJ
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Véi h=R -3 =2vaban kinh R =5 suyra Ay

h 2 2 _527T .
o5 b)ora2(3-2)- 22 e
3 3 3 R

: Vay thé tich ctia chigc 1u chira duogc la: v"’ x ¥

521
N/ =Vc'"2vc =—n5 -2 ——3—:132 rdm’,

' h
/ Cha y: Cong thuc th& thh khéi chom cau la: V, = =xh?® (R _EJ

“Thé tich khéi chdm cAu c6 chigu cao h la

i “(Rz—xz)dhn(Rl,x_?]

R-h

V= ? S(x)dx = T_hm (r,) dx =

Cau 60: Pap an A.
h
¥ Cha y: Cong thire th& tich khéi chom cau la: V, = = nth’ (R 3] ‘

The tich khéi chom cau o chidu cao h la: _
SR R 2 R , i . 0 R
v= | s(x)ax= | m(x) dx=m | (R?-x*)=n| R%-2-
. R-h 3
R-h R-h .
. 2

. . 4 3. = h2 R—E — (E] [RW—R-]: 5 AY
Khido V=nR5V, =7 ( 3)7 2 6 )7 24nR’ .‘ f
Vl 5 . R 0 E\

V- ——
.DOdOTJ_=V T o7 _ vl', <

.Ciu 61: Dap an B.
Goi V.V, V.V, lan lugt 1a thé tich khéi tron xoay khi quay-tam giac AHC, ALD vada

. gidc LID, HBC quanh AB. Gol R,r Tan lwot 13 ban kinh dudng tron 16n va nho.

Ta cé: 28;: R’ :?R dvar=12 .
) CH = ICsin60° = 4.@ =23
Vi AIHC vadng tai H, CIH =60°c6:d 1H =IC? ~CH? =16 -12 =2

AL=Lapr =13
2

7 1 2 1 ' : C
Khi d6 3 ) ,

v = lALj[DL2 = l.’37r.3 =3x
2- 3 - 3

A K11 © °
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Chinl phuc dim 8,9, 10 bai tap tréc nghiém Giai tich

-[rf(r)r ff(f)dtJ—"-(U(Z) 0(0)- )

Can 67 Dap an C. -
Vi khéng ¢é hinh minh hoa nén Ioi giai dudi ddy chi mang tinh chat tham khao.

Apy

-245,3 -245 -240 o 240 245 2453
bé song ~ chén chu,

Goi dudng cong hrcrﬁg ung voi vanh trén va vanhdu'cn cha Eé‘tu lanluot1a (C,) va (G, ).
Dung hé truc toa d% Oxy sao cho dudng bigu didn mit phing song 13 truc Ox vi vi tri
cao nhét clia cdy cau 6 toa dd fa (0;2). ‘ _

| Xét thay phuong trinh ctia 2 parabol (C )} va (G,) deu c6 dang y=ax’+b, dga vao
céc difm da cd trén hinh, ta t1m duwoe 2 phu’ong trinh twong 1mg:

(@)r=S ()=

x+2

5,3
(C) y= f(x) L7 x+1,7 -

2453 ° 245

Dlen tich mit cit cay chu: S = 2( J- f(x)cbc _[ ("‘)de 4§4(m2)

Suy ra the tich cay ciu bang tich ctia dign tich mit edt va be 0ng ciy ciu,tirc bing 494
md.

Ciu 68: Ddp dn A,
Ta cé:
Thé tich can tim la:

3 3 s ' -
= f S@yax = [7r2(xydx = [7.25=x%ydx = 1327(dm®) = 13207)
-3 =3 -3 f

% ;_fS(x)dx-:}:rrz (x)dx = jx(z_si— ;:?)ﬁ:lgéﬂ(dm3) =132z (1)
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“TOAN CHUYEN DONG
- Trong chuyén déng chiing ta ¢6 cong thirc
S=J-v(t)dt : s v:Ia(t)dt+v"

Khi vit ding lai thi vin t8cv=0.

"Ciu 1: M6t vién dan dugc bin theo phuong thing dimg v6i véan t8c ban dau 29,4m/s.
_Gia t8c trong trudng Ia 9,8m/s2. Tinh quang dudng S vién dan di dugc tr lic bén ién
cho d&n khi cham dt.
A.S=882m - B.S=88m T C.5=88,5m D.S = 89m
. Cau 2: Mt 8 & bét dau chuyén dong nhanh dan déu véi vén tdev, (1) =Tt{m/s). Bi
duege 5(s), ngudi 141 xe phat hign chuedng ngat vat va phanh gAp, 6 t0 tiép tuc chuyén
ddng chim dén déu véi gia téc a = —70(m /s ) Tinh quang dwdng S(m) di dugce cta 6
£8 tir ltic bt dau chuyén banh cho dén khi ding hdn. : '
A.S=94,00(m) B.S = 96,26(m) C.S8=87,50(m) D.S =95,70(m)
Céu 3: Tai mot thoi diém t trude lac 4B xe & tram dimg nghi, ba xe dang chuyén déng
déu véi van toc 1an leot 1a 60km/h; 50km/k va 40km/h. Xe thir nhat di thém 4 phit thi
bit du chuyén ddng chim din déu va ditng hidn ¢ tram tai phit thix 8; xe thé hai di
tham 4 phit, bt dau chuyén dong chim din déu va dirng hin & tram tai pht thi 13,
xe thiz hai di thém 8 phat, bt dau chuyén déng cham dén déu va dimg hin & tram tai
- phit thit 12. DB thi bidu dién van t6c ba xe theo thoi gian nhw sau: (don vi truc tung x
10km/k; don vi truc hoanh 1a phat). Gia sk tai thoi diém t trén, ba xe dang cach tram
1311_ hugt 1a di, d, ds. So sanh céc khoang cach nay.

s He-tirnhite
"5 }e‘_ﬂ!g.'bi'__ -

1 Nethirbat

LATTIIOA e A= = -~
E ~
~u "
z RN
~
1 S~
N
N
—’0 1 b 3 + H 6 7 8§ 9 JU R § | IZ' 13 .
7 Afdl <d, <d, B.d,<d,<d, = ~ Cudy<d<d, D.d, <d, <d,
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B Chmh phuc diém 8, 9,10 ba!. tap trac nghiém Glal tich

Ciu 4: Mot van dong vién dua xe F dang chay véi van tdc 10m/s thi anh ta ting t8c véi

- giatdca(t)=6t(m/s*), trong d6 t 12 khoang thoi gian tinh béng gidy k& tit lic ting
t6c. Hoi quang dudng xe ciia anh ta di dwoc trong thdi gian 10(s) k& tir ltic bit dau
ting t8c 13 bao nhiéu? _ , '

A1100 m B.100m . - C1010m D.1110m

' Céu 5: Mot vét chuy®n déng theo quy ludts = 9 —*véi ¢ (gidy) [a thoi gian Hnh tir ic
vit bit dau chuyén ddng va s (mét) la quang dudng vit di dwgc trong khoang thoi
gian d6. Hoi trong khoang thoi gian 5 gidy, k€ tir lic vat bat dau chuyen dong, van tSc
16n nhét ctia vat dat duge bang bao nh1eu7
Ab4(m/fs) . B.15(m/s) - C27(my/s) D.lOD(m/s)

Ciu 6: Mot chat diém chuyén ddng trén dudng thing nim ngang (chiéu .du‘dng hudéng
sang phai) véi gia t6c phy thude thoi gian aft)=2- (m/ s’) Biét van t8c dau béng
- 10(m/s), hoi trong 6 gidy diu tién, thdi difm nao chit diém &.xa nhit vé phia bén
phai? .

Al(s). B.2(s). - ¥ C5(s). D.6(s).

Cau 7: Tai mdt noi khéng ¢6 gi6é, mdt chiéc khi cau dang ding yén & d6 cao 162 (mét) so
véi mit ddt da dwge phi céng cai dit cho né ché d6 chuyén dong di xudng. Biét rang,
Khi cdu da chuyén déng theo phuong thing ding véi van t6e tudn thed quy ludt

v{t)=10t-t*. Trong d¢ t(phiit) 14 thdi gian tinh tir lic bdt diu chuyén dong, v(t)
dugce tinh theo dcm vi met/phut {m/p). Neu rhw vay thi khi bét dau tlep dét van t6c v
cliakhicAula
A.v=7(m/p) B.v=9(m/p) C.v=5(m/p) D.v=3(m/p)

Cau'8: Mot vat chuyén ddng theo quy ludt s = 6t* - t*, véi t(gidy) 1a khoing thdi gian tinh
tir ic vat bat ddu chuyén déng va s (mét) 13 quing dudng vat di dugc trong khoang
thai gian d6. Hoi trong khoang thoi gian 5 gidy, k& tl- khi bat dau chuyen déng, van
t8c 1én nhét ciia vit dat duge bing bao nhigu?

CAL12 m/s. B. 15 m/s. ) C.100 m/s D. 54 m/s.
Céu 9: Mot van ddng vién dua xe F dang chay véi van t8c 10{m/s) thi anh ta ting tGc

véi gia toc a(t) =6t (m/s?), trong d6 t khoang th gian tinh bing gidy ké tir lic ting
t6c. Hoi quéang dudng xe cta anh ta di dugc trong thoi glan 8s k& tiz liic bat dau ting

toc 13 bao nhiéu? :
A.592m . B.100m © 'C.1010m . D.1110m -

CHUYEN THAI BINH LAN 1

Cau 10: Mot chat didm chuyén dong theo qui ludt s=6:* —¢* (trong d6 t 1a Kkhoang tho1
gian tinh bang gidy ma chét dim bat dau chuyén dong). Tinh thoi di€m t (gzay) ma

tai d6 van toc (m/s) clia chuyén dong dat gid tri I6n nhét.
At=2 B.t=4 . Cr=1 . D=3
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. , CHUYEN HA LONG
Cau 11: Mot vat chuy&n dong vdi van tdc thay 61 theo thiri gian dugce tinh béi cong thic
v(#)=3t+2, thoi gian tinh theo don vi gidy, quing dudng vat di dugc tinh theo don
vi mét Biét tai thoi diém £ =25 thi vét di duoc quing dudmg 12 10m. Hoi tai thdi diém
£=30s thi vat di durgc quing dudng [a bao nhidu? . :
A 1410m. B. 1140 m. C. 300 m. - D.240m.

KY KIEM TRA KHAO SAT LOP 12 TRUNG HOC PHO THONG - S0 HA NQI
Ciiu 12: Mt 6 6 bit dau chuyén ddng nhanh din déu véi vén tdc v, (t)=7t(m/s). Di
~ dugce 5(s), ngudi 1ai xe phat hién chudng ngai vat va phanh gép, 6 td ti€p tuc chuyén
ddng chim din déu véi gia t8c a = —'l?,S(m /sz). Tinh quang dwdng S(m) di duoc

a6 t6 tir e bt du chuyén bénh cho dén khi dimg hén. '

T AS=9400(m)  BS=1225(m)  CS=87,50(m)  D.S=9570(m)
_Ciu 13: Mot chit difm chuyén déng trén dudng thing ndm ngang (chidu durong hudng
[ sang phai) véi gia t8c phy thudc thoi gian t (s) 1a a (t)=2t-7 (m /sz) . Biét vén t6c ban

d3u bing 10 (m/s), hoi trong 5 gidy dau tién, thoi diém nao chat diém ¢ xa nhét vé-
phia bén phai? :
A.5(s) - . B.6(s) L C1(e) D.2(s)

Cau 14: M{t chit di®m dang chuyén dong v6i vén t8c Vo =15m/s thi ting van t8c véi
gia t8c a(f)=1 +4 (m/sz—) . Tinh quang dudng chit difm &6 di duoc trong khoang
thii gian 3 gidy k& tir lic bt d3u ting van tc.

A 68,25m. B. 70,25m. C. 69,75m. - D. 67,25m.

Cau 15;. Mot & t6 dang chay déu vdi van toe 15 (m/s) thi phia trade xudt hién chudng
ngai vit nén ngudi 1a dap phanh glp. K& tiz thoi diém 46, 6 t0 chuyén dgng chim
dan déu véi gia t8c —a{m/s?). Biét 6 t6 chuyén ddng thém dugce 20m thi dimg hén.
Hoi a thuge khoang nio dudi day - |

CA(34) B.(45) c(56) D.(67)

Ciu.16: M6t hoe sinh di hoc tir nha dén tredmg bing xe dap voi van tdc thay ddi theo

' thi gianduoc inh béi cdng thiev(f) = 40+100 (m/phtt). Biét ring sau khi di duoc 1
phitt thi quingdudng hoc sinh do di duge 1 120 m.Biét quang dudng tir nha dén
treomg 1a 3 ki, hoi thoigian hoc sinh d6 di dén trudng 14 bao nhiéu phit.

A9 phat, B.15 phit. C.10 phat. D.12 phyit.
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Chinh phuc didm 8, 9, 10 bai tip tric nghiém Gidi tich

Cau 17: Sau khi phat hién mét bénh. dich, cac chuyen gia y t& udc tmh s& ngudi nhidém
bénh k& tir ngay xuat hién bénh nhin du tién dén ngay thit ¢ duge tinh theo cong
thufc I (t) 456 ~1*, 0<t<25. N&u coi f (t) 12 ham s6 xac dinh trén doan [(},25]
daoham f '(t) duge xem 14 téc d6 ftruyén bénh (ngubi/ngéy) tai théi didm t. Xac dinh
ngay ma tdc d6 truyeén bénh 13 16n nhak? | ,
ANgayth@16  B.Ngay thi 15. CNgay the5. - D.Ngay thi 19,

Cau 18: Mot vat chuyén déng cham din véi vén tdc v(r)=160—10t(m/ s). Hoi r.:?mg'
trong 3s triedc khi dtrhg hén vat di chuy&n duoc bao nhigu mét?

A.16m : B.130m . C.170m - D.45m

Ciiu 19: Mét & t5 dang chay véi van t8c 12 (m/s) thi ngudi 141 dap phanky; tir thoi diém
d6, 6 t6 chuyén dong chim din déu véi vén tdc v(t)=—61+12 (m/s), trong d6 7 13
khoang thdi gian tinh bing glay, k€ tir Itic dap phanh. Hoi tir Iic dap phanh dén khi &
t6 dimg hén, 6 t6 con di chuyén dugc bao nhidu mét?

A.24m. B.I2m. - Cém . D.04m.

Cau 20: Mot vt chuyén déng véi van t3c 10m/s thi ting t8c véi gia tdc duge tinh theo

thoi gian ¢ 1 a (¢)=3t+7. Tinh quang duwdng vit di duge trong khoang 10s k& tir khi
it diu ting toc. '
130 3400 4300

A.—km. B.130/m. . C.—im. D.—#m.
3 ' : 3 3

Cau 21: Mot chit diém chuyé’h déng theo quy lujt v=%t4 —%t’ +2t+20 (t tinh theo

gidy). Trong nhiing gidy dau ké tir gidly thit nhét, van t6c cta chat diém dat gla tri nho
nhét tai thoi difm nao?
At=lgidly - = B.r=3gisy - Ct=5gidy D.t=16gidy
LS GIAL CHITIEY
Cidu 1: Dap an A.
Taco: v(1)= [a(r)dt=-9,8¢+C .
' Khi +=0thi v=29,4. Suy ra:C=29,4. Vay v{r)=-9,8+29,4
Khi vién dan c6 van t3c bang 0 thi s = —292’—84— =3. Suy ra quing duong di duroc khi t6i

*

3 3 N 2 3, B
dinh 18: S = [v(t)dt = (9,8 +29,4)dt =[%+29,4t]. = 44,1(m)
0 0 .

0
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Khi di t6i dinh thi vién dan roi xudng dat ding bang véi quing duong di 1én dugc.
' Dodétdng quéng dudng di dugc cho dén khi cham détla 25 =88,2.

Ciu2: Pap an B.
Tai =5, v(sj =35. Khi d6 bit diu phanh véia =70 thi can 0.5s d€ xe ditng hén.Vay
12 xe chuy#n déng trong théi gian 13 5.5s v6i 55 dau 1a theov{¢) va lic sau di véi thdi
gian 0.5 véi v, (1) =70¢. Vay nén quing duéng di duoc 1a;
s 0 - '
[72dt + [ 700.dt = 96,25
o 0 ) .
v Diing vt I: Ta c6 cong thirev? —v2 = 2aS . Trong 5s du thi gia t6ca =7 nén ta 6
3520 0°-35

- 96,25.
EYED!

quang dugc la:S =

- Cau 3: b_ép‘ inD.

Tacd v=v,—at,a>0

v Xe thir 1: Gia t8¢c a = 603—0=900(km/h2):> v =60-900¢

1
50

Khoang cach d, = [ (60-900/) dt+60~€6=6(km)
[+]

1000¢

60 1000
(

V’Xethu’Z G1at0c a—SO?: km/hz) v=50—

a

Khoang cach d, = I(SO—det 50.~—=8—5z7,1(km) :
. 3 60 12

* v Xe thie 3: Gia t6c a=4{)?:600(km/h2):>v=40—6001

4

B . B v e 60 o
- Khoang cach d, = I(40—600t)dt+40.£6=%0-=7 6,7(km).
0

Ciu4:PipanA. _
“Tacd: v(t):ja(t)dt=J'61dt'=3rz+c;v(0)=10:> C=10=>v(t)=37+10
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Clunh phuc diém §, 9, 10 ba: tip tric ngl'ugm Glal tich

Vay quing du’ong xe cua anh ta dl duqc trong th0'1 gian 10(5) k& tir lic bit diu ting
0 .19

t6cla:S = jdr—j (3 +IO)dt—]100m
. Q
Ciu5:Dapan C. -
s=9 - ov=s5'=18-3"=v'=18-6t =0 =3
Khit=3=v=2T=5=v=15y,, =27.
Cau 6: Ddp 4n B.

;
Tir gia thiét, vén t6c cia chit diém tai thoi didmila v(r) = [a(u)du+v(0) =1 ~7t+10.
. - [ o

] ’ ‘ : .
Suy ra, toa dd clia chat didm tai thoi didm ¢ 1a: x(r) = Iv(z_t)du = -;;-f_—-gd‘z +10r+C
. N ° 0 ’

2

Xét ham s8 f(t)— I —21 +10t voi te[O 6] tacof(t) £ =T+10; £(t) = 0@[: _s

Ta cé f(())_;f(2)- = %;f(S) = —26—5,f(6) =6 do d6 Iém nhat tai thoi dige 2.

Cau7:Dépan B. :
Khi bit dau tiép dat vat chuyen ddng dugc quang duongla s = 162m

=5t° - ? (trong do t Ia thoi difm vt tiép dat)

0

. | o
Taco: s=i{10t—t*)dt=| 5t ——
=j(10c-¢) [ 3

Cho 5t* - ?=162:>t=9 (Do x}(t)=10t-~t2 =0<t<10)

-Kl'udovantoccuavatla v(9)~*109 9 = 9(m/p)
Ciun 8 DapanA
Tach v=s'=12— 3 Xethamsof(t) 12t =38 the[O 5]
Tacé f(t)=12-6t;f'(1)=0¢>¢=2. Tacé f{0) = 0f(2) 12; f(S)_
Do dd van t6c lon nhat vt dat du‘oc la 12 Chon A. .
Céu 97 DapanA. .
. Tacd v(t)=v0+Ia(t)dt%10+f6tdt'=]0+3t2(m/s)

8
=592m
0

Suy ra quing dudng di du-'o'c 8 ba“mg S= iv(t)dt = ‘T(IO + 3t2)cit =.(10 +,t3) |
‘ 0 0.

242




AR o v -

khangvietbook.com.vn DT: (028) 39103821- 0903906848

CHUYEN THAI BINH LAN 1

Cau10:DépinA.

v=s"=12-3¢’. Phuong trinh vén t6c la phwong trinh béc 2 ¢6 hé s6 a=-3<0 nén
né dat gia tri 1én nhat tai gia tr t=;—b hay tai =2 .
_ a

, CHUYEN HA LONG
Ciu11: Pap an A.

 Tacé: s(t) ;jv(z)dt =j(3z+2)a*: =%f +2t+C,5(2) =10 C=0=5(30)=1410

Cau12: DPap an B.

Ta cé
o ria 70_Ta
+ Trong 5(s) dau tién, v,=7‘[(m/s):S,=5t =§.5 =87,5(m)
« K&t khi phanh, v, =35-17,5t(m/s) = v, =0 & =2

2
+ ‘=8, =[(35-17,5t)dt =35(m)

0

Suy ra quing duwomg 6 tb di duge bing $=8, +8, =122,5(m)
Cau 13: Pap 4n D.
Van t8c cfia vit duc_ré tinth theo cong thirc v(t) =10+t* =7t (‘m/ s)' :

AY

Suy Ta quing dudmg vét di duge tinh theo cdng thirc $(t) = Iv(t) dt = %—%tz +10t{m})

- 5
Ta ¢ Sf(t)=t2-—7t+10:>S'(t)=0<:>t2—7t+10=0<:>|:i s

S(0)=0
Suy ra {8(2) = 28 = Maxs (1) =5(2) = 22
' 3 (o] 3
- 25
S(5)="—=
(5)=%
Ciu 14: Dap 4n C.

) ’ 3
Ta c6 v(t) = [a(t)dt = [(t* +41)dt = %+ 2634 C(m/s)
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Chinh phuc di&m 8, 9, 10 bai tip tric nghiém Gidi tich

: . 3
. Do khi bit d4u ting t5c v, =15 nén v =15.=:>C=15=:>v(t)=%+2t2+15

{1-0)
Khi &6 quang dudng di duegc bing

i ] .' ¢ 2.,Y
< fvdt=[[15+ S 2 Jar=[ 1504 S0 2¢
° 3 e,

=69,75m

[ ——

Q

; Ciu 15: DapanC
Tacé v(t)=15- at(m/s)=>v(t) 0> 15— at—0<:>t-——(s)

O t6 di duroc thém duoc 20m, suy ra:

15 '
= : 15 .
? 1 152

v(t)dt=20< I(lS—_a.t)dt = 20@(1&—%&12} =20 & 15:-5 =20
o ) a

L O ey |

c—z—z—s—g 20c>a=5,625(m/sz)::>ae(5;6)
a 2a )

Céu 16: Dép 4n C.
Taco: $(¢) = [(40r +100)df = 20 +100¢+C
s(1) ='120@120=2_0+i00+c:>c=0

t=10

- 2 00 2000 —
$(r) = 3000 < 20¢* +100 ~ 3000 Q@L=_15(I)

Véy théi gian i dén trudng 1 10 phit. - IE
#

Céu 17: Pap an B.

Tacd: f' (t) 90t 37, Xet ham 58 g(r) 90 —31% 1a ham chi 8¢ dé truyén benh tz;u‘
~ thoi dim t. Bai toan trd fhanh fim gia trj 16n nhat cia ham s8 y =g (¢} trén [025]

Tacé:g(t)=90—6t=0<::>t=15 _
Ta c6: g(0)=0,g(15)=675;g(25)=375. V4y ngay thet 15 la ngiy ma téc df truyén
bénh 16n nhit.

Ciu 18: Ddp &n D. . ,

v Phin tich: Cho dén khi vt dimg lai thi van t5c clia vat bing 0 tixc [3:160-10r =0 =t =16
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Nén quéing duedng vat di duoc trong 3s cudi dugc tinh bang:

16 ] . 6
j_[(l_GO—lOt)dt =(160¢-5¢%)| | =45km

- Cau19: Pép 4n B.
2 . .
Khi xe dimg thi v(1)=0<51=2.Ta c6 s'(f) =v(t) = s = [(~6¢ +12)dt = (—3:2+12r)]: =12
_ ) : 0
Céu 20: Dap an D.

3, .-
Goi v(t)12 vin t8c cia vat. Ta cd v(:):%t’ +5r2 +C.
' Xem thoi di€m ting t5c c6 mbc thoi gian bing 0. Ta ¢6 v(0)=10=>C=10.
. 15,3,
Suy ra v(t)=§t +3t +10.

’ 10
Vay quing dudng di duge S=I[§f3+%t2+10]dr=43300_ |
| , _ 0 =

Ciu21: Papan A. .
Xét ham 5 £ (1) = -%f +20+20 trén [1;20]

t=1

f.(,)=t3_3t'%2; f'(f)zo‘i’[r =-2(!)

' Ta so sézh cae gia -tri { f(l); £(20)} thi thdy /(1) <f(20) nén vén tSc ciia chét diém

" dat GTNN tai thoi diém ¢ =1 giay.
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Chinh phuc di€m 8, 9, 10 bii tip tric ngl'ﬁém Giai tich

- Ee s e eem W e e e W e s M s e

Bai 1. (CD Suw pham Bén Tre khdi A 2002)
C6 bao rthidu s& tie nhién x théa: C! +6C> +6C =9x

?—14x
A0 . B.3 C.2 D.1
Bai gidi
xz1 :
" x22 x=23
Biéu kién: = :
x23 xeN
xelN
' !
PT & X +6— X _9x?-14x
2'(x 2) 3!(x—3)! o :
<:>X‘+3K(X“"1)+X( -1)(x-2)=9x" —14x
x =0 (loai)
<:>x(x2.—9x+14)=0<:> x=7(loai)©x=2
: : x=2
Bai 2. (PH khdi D 2005 diz bi 2)
6 bao nhiéu s nguyén n > 1 thod man: 2P, +6A% -P,A% =12
Al B. 4 C.3 D.2
, Bai gidi
Tacé: 2P, +6A2 ~P AL =12(neN,n>1)
! ! ' : '
ot 2 M e M (6-ni)-2(6-n!)=0
(n-2)! (n-2)! (n-2)! :
_nl=0
§ o 0 nl=6 n=3 n=3
LN Sy n(n-1)~2=0 " |n?-n-2=0 |n=2(vinx2}
(n-2)! _
Viy:n=2hodcn=3
Bii 3. (PH An Ninh khdi A 2001)
Tim céc s &m trong day s6 xi, X2, ..., Xn, ... VOi XB=PL+“ 143( =1,2,3,.. )

n+2
A x vax, . B. x; va X, C. %, v& X, D. X, X; Va X,
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' ' Bai giai . _
Ta phai im céc s6 tu nhién n > 0 thoa man:
- 4
Bos 14
Xn=i:"‘+4 4P <0C>(n+3) (n+4)_,,_3<0

n+2 n

< 4n® +28n—95<0c>—£<n;<.2
' 2 2 . : L
Vin I3 s8 nguyén dwong nén ta duge n =1, 2= Cac s6 hang am cha day 1a x,,%,
Bai 4. (DH khdi D 2003 du bi 2) N
C6 bao nhiéu s& ty nhién n thoa man: C2C2 2 +2C2C) +CICh~ =100-
A0 B.1 C.3 - . D.2
: | Bai gidi .
Ta cé: C2CP 2 +2C2C3 4+ C3Cn2 =100

nns

@(cﬁ) #2020 +(C3) =100 (C2 4 ) =100 :

2 3
@(nz—n)(nﬂ) 60> n® —n—60=0< (n—4)(n*+4n#15)=0=n=4
" Bai 5. (DH Bach khoa HIN khéi A, D 2000) __ S s
C6 bao nhiéu s3 ty nhién x thoa: %Agx—Ai 5_6 C, +10 '
. o - o e
A0 B.1 c2 'D.3
_ o Bai gidd. ]
[xeN i
rim A 2<2x [xeN
bieu kién:
25x x=3
3<x _
- 6 x{x—-1{x=2)":
Tacé:]aAixHA; 6C 106 2*{(2)( 1) x{x - 1)< __,(.,__)(_) 10

X 2 1.23 -
ox*<x’-3x+12¢>xs4 .
K&t hop dieu kién, ta duge: x=3, x=4. "

Bai 6. (PH Kkhoi B 2002) = : .
Cho da gidc déu AjA;.A, (n22,n nguyen) ndi ti€p dudng tron (O) B1et rang 5 tam

gidc cb cac dinh 13 3 trong 2n difm A,A,..A,, nhiéu gip 20 lan s8 hmh chu nhat co :
cacdmhla4trong2nd1em ALAy A, Timn? - o PR
An=8 Bn=12 Cn=4 Donwil

Bai giai A “
S8 tam glac c6 cac dm.h 12 3 trong 2n difm A}, A,..0A,, 12 C FEE
Goi duong cheo clia da gidc déu AjA,..A,, di qua tam duong tron (O) 1a ducmg cheo»-’*
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Giai tich

16n thi da gidc da cho ¢ n dudng chéo 16n. 7
Mdi hinh chit nhét ¢6 cac dinh la 4 trong 2n diém A Ay, A, 6 cac dudmg chéo Ta
hai duong chéo lon. Nguoc lai, véi méi cﬁp du'c‘mg chéo 16n ta ¢6 cdc dau mit clia
chang 12 4 dinh ciia mét hinh chir nhjt. Véy s6 hinh chi nhat néi trén bang s cap
dudng chéo 16n ctia da glac ApLA, LAy, e 1053 : : i
2n}! - n!
31(gn23)! BT

=2o“(“2“1)@2n—1=15'@n=8 :

§
‘s

Theo gia thiét thi: C3, = 20C2 &

- 2n(2n-1)(2n-2)

- KHAITRIEN NEWTON
Bai 7. (bHQG HN khéi B 2000) -‘

: 7
~r A rd 3 - p E] raAr r N 1
Tim 58 hang khong chtta x trong khai trién ctia bidu thi're saw [?ﬁ +3 /;@J ,X20
. . H . x* o

A. 24310 B.23049 C.12339 D. 29103
- Bai giai
- S8 hang tong quat ctia khai trién 1a:

. 27k 3 k 3 ]Zk—% : <
ci‘?(x"ﬂ} [xi} c};(;&] (keN,0<k £17)

D& 56 hang khéng chiza x thi H1{—33—4-—«0:>k,=8

Viéy s6 hang can tim 1 s6 hang thir 9 cia khai trién va bang c,
Bai 8. (DHSP HN khéi A 2000)

%y\" : :
Trong khai trién nhi thixc (x«f’./; +x 1 ] . héy tim s6 hang khéng phu thudc vio x, biét

rang Cr+CY +C“‘2 79 :
A, 812 ' B 792 _ C.293 . D.392
' _Baigiai ' ‘

L : -1}
* Xac dinhn: C:+C2“+Cﬂ‘2=’)'9<1>1-‘|-n+——n(n2 )=79

| n=12 :
“ln= —13(loai)
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’ 28- 12 2 4 k 8 12k 12 ﬁk_l_u_
% 2 | 3 5] = k| x3 15 =Nckyis 5
Tacd: [ x¥x+x B =) CL| % X = X
- - k=0 © k=0

4
So hangkhongphu thudc x@%k—%—ﬂ@k 7

- Vay s8 hang cin tim la: C/, =792
Bai 9. (DHSP HN khéi B, D-2000)

‘Biét tdng tat ca ¢ac hé s8 clia khai trién nhi thie’ (x +1) bing 1024, hay tim he sfafa

13 6 tiz nhién) clia s& hang ax'’ trong khai trién-dé. )
A120 B2 cair . D3R
B Bai gidi
Ta c6: '(xz +1)rl = ic:xn (1
k=0
_ Soklmgvousohang ax" thoamanpt x?=x™*=k=6

Trong (1) chox =1 thi ch =2"
k=0 :

Tu’g1athlet ~_~>ch =1024 =20 =1024 > n=10
k=0

. Vay hé s6 can tim 1a: Cyp =210
- Bal 10. {CP Canh sat rthan dn kh01 A 2000) -

Tim hé&'s8 clia x® trong khai trién cia biu thite: (x+1) +(x +1) +(x +l) +(x J_rl)7

A.28 B.13 C.36 ' D.16

Bai giai

‘He o ciia %5 trong khai tri#n ciia bigu thite: (x + 1_)4 +(x 1) + (x+1)% + (x+1) 1

[ [
c5+cs+c5—1+ 6' 7 — =28
. 511 5121
Bai 11. (DH khdi A 2003)

L),

. Tim hé Sb" ctia 6 hang chita x* trong khai trifn nhj thixc Newton clia (

biét rang: Ciry —Ch,; = 7{n+3) (n nguyén duong, x>0)."

A194 - B.346 T C.495 D. 102
- Bai gidi ‘
Tacé O -Ch, =7(n+3) & (C;1§+c:+3) -, =7(n+3_) '

;r(n'+2)(n+3)

- =7(n+3)en+2= 721=14 &n= 12
2L
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' Chmh phuc dlem 8,9, 10 bai tap tric nghlem Glél tlch

3
e
=
1
=
| .
O
eliad
>
3
1
=

" " 3 = A : * _— k
56 hang téng quat ctia khai trién la: C}, (x 3) [x

T 60-11k

Tacd: x 2 =x" & =8 k=4

Dod6 e s i s hang chia x° 1a Cf, = ﬁ = 495

Bai 12. (DH khdi A 2005 duy bi 2) o )
Tim hé 8 ca x” trong khai trién da thizc (2 - 3x)™", trong @6 n 1 s§ nguyén ducﬁg
thod mian: Ch,(+C,, +Cpuy +...+ C2¥ = 1024 . |

A, =Cl3 323 B. c;“o.38.2“_- ¢l 32 D.-C},.3.2°

Baigidi
Tacd (1+x)™ =€, +Chny X +C X2 +C X0 4.+ CINH 2
Chox=1tact:22™ =C  +C, , + c2n+, + g+t Cont 1y
Chox=-1tacé:0= cg,,,,, Chnet +Coy = Cinag +o cgg;} )

Léy (1) - (2) 2 22! =2(Chyyy + Chypy +.+ C021)
= 22“ =Ch + G+t cg:;} =1024= 2n 10
Tacd: (2-3x)" Z( )" Cm-2'°..'k (3x)
Suy ra hésg cta X’ 1a —C 37 2

Bai 13. (DH khéi A 2006)

' ’ \n
Tim he so cua s6 hang chia x% trong kha1 tnen nhj thizc Newton cta (L+ X J , biét
X

_rang C2n+i+C2n+I+ +C2n+l_-220_ o . .
A.110 .B.410 . C.291 . D.210 .

B;‘li giai _
Tu gia thlet suy ra: sz + C2n+i + C2n+l o+ C2n+1 _ 920 : . (1)

Vi C;m-t = Cz:f,l_k VK, 0 <k <2n+1 nén:

el

2n+

,+C

- 0 2n+l Y
2t + C2n+[ ot C2n+[ = (C2n+] + C2n+l +Clon +o+ Conl) ) (2)

T Khai trién nhj thitc Newton cia(1+1)"™ suy ra:
(031 ,+c§m ot CI = (14 1) = 220! . - (3)

Zn+

I+C

2n+
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Tie (1), (2, (3) suy ra: 2" =2 <>n=10. |
Tacs (_+x = 3ch ) () Fct s
HG 6 ciia ¥ 18 C¥, véi k thod man: 11k~40=26 < k=6

Vay hé s6 ctia x* 1a €% =210
Bai 14. (CD Dién Juc TPHCM 2006)

R n
Tim 58 hang khong chita x trong khai trién nhi thize (xz +—13-] , bist r%ng:
, _ X .

Ch+C2 =130 (n13 58 tw nhién 6n hon 2, x 13 s§ thuc khac 0). .

A 140 . B.672 C.102 D.210
- Bai giai ' '
—Nn=2 n=10
Tacs: € +C 1300+ MO Z2) 3 g0 70 &
: - 6 n=-—7 (Loal)

- n 10-k :
56 hang tdng quat ctia khai trién nhi thirc 1a: T, =Cly(x*} (x‘?‘) = CK ¥
T, khong chira x ©20-5k=0e k=4 ' '

'Vay 50 hang khong chua xla T, = Cfo =210

Ba1 15 (DH khd&i A 2002)
Cho Kkhai trién nhi thu'c: o

x_—]-. _ﬁl‘l _ln x__ln—] - xlnt jnﬂl :in

(n la 56 nguyen ducmg) Blet ring trong khai trién d6 C =5C) va s& hang thir tur -

bang20
- Tinh x+n.
A.20 B.34 cu D.5
' Bai giai _ o
"I'l:rC3—5Cl tac0n>3va n! ‘5 n! @H(I.I*l)(n—z):Sn
3o (-l 6

=—4{Loal
on?-3n-28=0c|" (Loai)
. n=7
o : x-1 =X 3 .
Véin=7 ta cé: c;(zT}(zT} =140 3527227 =140 2 F =4 x =4

 Viyn=7,x=4..
o : - - 251




Chinh phyc diém 8, 9, 10 bai tap tede nghiém Giai tich - '

B2 16. (CP Cong nghiép HN 2003) _
Cho da thite: P(x)=(16x~15)""". Khai trién da thitc 6 duéi dang:

P(x)=axy+ax+a,x" +..+ayX >
Tinht6ng S =a,+a, +a, +... + 2,

Al . B3 . C.0 D.2

' '  Bai gidi
. 2003
P(x)= (16515 = 3 Cho (16577 (115) = 3 Clo (16 (- ls)“ ok
k=0 kN .

2003-k
(

Céc hé s8 trong khai triéh da thiec 1a: ak= 2, = Cy; (16) —15)

2003 2003

Vay: S= Zak ch (16)" (- 15) =(16-15)" =1

» Cach khac.
Ta dé dang thiy S=a, +4a, +a, +...+ @y, = P{1)=1. Chon A,
Bai 17. (DH khéi A 2004)
- ‘ _ : .
Tim hé s ctia x* trong khai trién thanh da théc ctia [ 1+x? (1-x) |
CA47T3 B.o19 C.371 D.238
' ~ Baigiai ' : _
Ta cé: [1+x l—x):l = CY+Chx? (1-x)+ Cax* (1-x)* + 6(1 x)’ +Cax*(1- x)"
: +C5x'°(1 x) +Cox'? (1-x)° + Cox (1~ %) +C3x (1=x)°
Béc cia x trong 350 hang dau nho ho'n 8, bic ctia X trong 458 3 hang cudi Ién hon 8.
Vay x* chi c6 trong cac s§ hang thu tu, thit nim, vdi hé s8 tirong timg 1a: Cy .C§, Cs .Cf,’
Suy ra: ag =168+ 70 =238.
Bai 18. (CD Kinh t& d6i ngoai khéi A, D 2006)
- 20 : 0 E :
- I + . . . A x = A
Cho A =(x —iz} +(x3 ——) . Sau khi khai trién va rit gon thi bidu thae A sé gbm -
X X 7 S
bao nhiéu s6 hang? : _ _ _ : S
" A.29s6hang . © B.16sShang '~ . C.21sShang” - D.43s6hang
' * Bai giai '

A;(x_—%rf’ (x __) i:( 15 ck, 2°—k(x—z) +§0( 1) ci(x );o;k(#_l_)n
-—Z( 1y Cox2°'3“+Z( 1) Chx o4 | |

© k=0
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Xettmonghcp 20-3k=30—-4n < 10-n=3(n- k)

Vi0snsi0va 10 npha11ab01so cia3nénn=4hayn=7hayn=10

= Co 3s8 hang trong hai khai trién trén cd liy thira ctia x gidng nhau.

Vay sau khi khai trién va riit gon thi biéu thitc A s& gom: 2956 hang -

Bai 19.(CD Su pham TPHCM khéi BT 2006) :

Khai trién bidu thirc (1- 2x)" ta duogc da thiee ¢6 dang: a, +a,x +a,x" +...+a,x"
Tim h# 56 ctia x°, biét a, +2, +a, =71.

A 102 " B.-672 C. 487 D.-571

. Bai gidi

56 hang thit k + 1 trong khai trién (1--2x)" 1 Tue = CK(-2)x¥ Ty, = C (-2)F x*
Tirdd ta cé: a, +a, +a, =71 C1-2C! +4C2 =71

neNn=2
en="7

neN,n=2 o
{n2+2n~35=0

— —
1_2n+4ﬁ11\2_1):71

Véin="7,tacé hésf cira x* trong khai trién (1-—2x)" Ix a,=C3 (—2)5, =—672

Bai 20. (CD Néng Lam 2003)

13
Tim he s6 10'1:1 nhat ctia da thiic trong khai trién nhi thite Newton ctia: [% +%x] '

10 " 10 : ¢ : 10
A, 4535, 3__ B"2343'2T ’ C. 3003 2— D. 3123.“2—1-5«
3 .3 . . 3

-----

’ . 15- 15 15-k k
Ta cd: [l+gx] _=ZC{‘5(£] ( J ZCk 2
: 3 3 = 3
"Goi a, 12 h8 56 ciia x* trong khai trién: a, =Tc}‘5.2k; k=0,12,..,15 .

. R 3 > .

Xét sit ting giam cua day a,:
32 :
8, <a, @ Cl2M < Ci 2k o O <2C o k< S k=0L.15
Tix d6: a, <a, <a, <...< ay
DPéo diu BDT trén ta duoc: a,_, >a, < k,>§-2~ =y >a >...>8
. ' 3

10 10
Véy hé s8 16n nhat phai tim la: a), =§?C:g = 3003.§Ts

Bai 21. (HV K§ thudit quan sy 2000)
Khai trién da thirc: P(x)=(1+2x)" thanh dang: 2, +a,x +2,x" +...+2,,x"
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Chmh phuc diém 8,9, 10 bal tap tric nghlem Giai tich

Tlm—max(a,,az, a,z) .
A. 126720 COB120102 T C.102012 " D.201202

Bai glal

P(x) (1+2x) =2, +a,x +2,%2 +...+a,,x"

a, =C5.2% a, <a,, ok <8 L max (a'-):as =C}, =126720
! = im |
Bai 22, (PHSP HN khéi A 2001)
' ' 1 2 YO
Trong khai trién clia [5 + 3 x] thanh da theéc:

: 2, 9. 10
a0+a,x+a2x +...tagX +ax (g, €R)

Haynmheso a, Ionnhat (0<k<10)

cs 2 7 cs,.28 .2 c,’4 27
A. 11 i B. 9 -G 12 D. 10
3 ) 3 3 3
Bl gidi :
1 2
Tacéd: a,, La, < Ch12 g Cf‘o 2* =

<
(k-1)! (11 k)! kN10-k)!
<:>k<2(11—k)<:>k<232 | |
DT B
Vay h_é s6 a, 1a lon n_hag a, = W'Czﬂ'f
Bai 23. (DH khéi D 2003) _
'Véin [a s8 nguyén duong, goi 33,312 hé s ctia x’" trong khai trién thanh da thic
clia (x2 +1)n (x+2)
* C6 bao nhiéu s§n d& a,,_; =26n. |
A0 7T B3 G2 - D.1
- ' Bai giai
Ta co: (xz +1)n =COx™ + C x4+ C2x M L4 OO
C (x+2) = COX" 4 2C X £ 2222 1 3O 44 27T
Dé dang kiém tran = 1, n = 2 khéng thoa man diéu kién bai ton,
Vé’l ﬂ>3 i‘hi x3n -3 xann—B y -2, 0l )
Do do hé s6 cta X3 trong khai trién thanh da thitc clia (x +1) (x+2) la:
33 —23c° cls20i 0l
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_  2n{2n%-3n+4) n=5
='a,;, 3 =206n < - : =26m < 7 .
- 3 : n= —E(Loa_u)

Vayn=5._ ‘
Bai 24. (DH dwr bi 4 2002)
Gia stz 1a s8 nguyén duong va: (1+x)" =ag+ax+a,x” +...+a,x" +...+a,x"

Biét réng t6n tai s6 knguyén (1<k <n-1) sao cho %:%,—_—azk: :
Hiy tinhn
“Am=5 B.n=5 C.n=10 D.n=7
' : Bai giat
o - ket k | ekl
Tach Bt =B B (1) (1<k<n-)o S =Sn_Ca
2 9 24 29 24
1 n!- 1 n! 1 n!

T2 k-D)i(n k1)t 9ki(n—K) 24 (k+1)i{a—k-1)!
- o2 (k1) {n=k+1)1=9k!{n-k)I=24.(k +1)!{n k- I}!

& 2.(n—k+1){n-k)=9k(n—k)=24.(k+1)k
S 0 _2nj|~2

| {z(n‘—k+l)=9k LT

9(n._-k)-,=_24(k.+"1) k:_%

D& t6n tai k thoa man hé thire (1), didu kién it cd va di la: 3n-8=2n+2<n=10.
Bai 25. (DH Thuy loi 11 2000)

Cho da thixe P(_x):(l+x)9+(1+x)w+(1+rx)”+...+(1+x)]4c6 dang khai triégn la

k

P(x)=ag+ax+a,x" +..+a,x".

Hay tinh hé s& a,. ) _

A.2018 B33 C.3003 - D.2012
| g ’

a3, =1+Cly +C}, + CL+Cly +C, =1+ Clo +C +Cl, + Cy +.C,
11;0+12.161_.10+13.122.i1.10+14.13.1122611.10=3003

=1+10+

' 'Bai 26: (OHSP TPHCM 1999)

C6 bao nhiéu s3 tg nhién thoa man CF, +C52 = 21" _
- A0 B.1 C.2 D.3

255
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Gidi tich

_ . _ Ba1g1a1
c:<4+c}<;2=2c,k;’ (0<k<12 keN)
‘ 141 141 SR U
k'(14 k)' (k+2) (12-K)! -~ (k+1)(13-K)!
1 1 1

S W00 ke k+2) DK
& (k+1)(k+2)+(14-k}(13-k) =2(k +2)(14-k)
&k _12k+32=0 k=4 hosck=8
Vay: k=4 hoac k=8
Bai 27. (DH Ngoai ngit HN chuyén ban 1999)
Cd bao nhigu :56’ nguyén du’ohg x thoa: Ci +6C + 6C3 =9x* —14x
A0 B1 - C2 - D.3
C,+6C; +6C; =9x* -14x (xeN, x23)
c>x+3x2;3x+¥3—3x2+2x=9x2—14x
' [x=0(Loai)
c>x(x2—9x+A14)§0© x =2(Loai)
x =7(théa min)
"Vay:x=7 ‘
Bii 28. (DH Béch khoa HN 1999) .
Tinh t6ng: $= Cloys = 2Chs +3Cha = 4Cys +...~ 2018.C2018
A0 B.1 S c2 .D.'3'
(n>2)S c‘—2cz+3c3 4C3 +.t (- 1)“‘nc" (n>2),
Xét da thare p(x)=(1- x) Khai trién theo cong thirc Newton ta du*oc ,

=0 =S it

. k=0
. ) - - - - n . -
Suy ra: ~ p'(x) =n(l-x)"" = Z(,_l)k"] kCEx*!
" Chox= ltadu'oc 0= Z( 1)k T xCk =C| 2C2-!-3C3 4C5 +...+(- 1)n -l nC" =S

k=0
VayS 0

- 256
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DUNG TICH

Bii 29. (DH du bi 6 2002)
Goi a,, a,,..., a;, 12 cachg s8 trong khai tridn saw:

(x+l)m.(x+2)=}r;”+a,xm+azxg+...'-!-aII

Hay tinh hé 8 a;. _

A.672 - B. 246 ‘ Cj 201 . D. 339
“Ta cé: (x+1) =x' +C’0§c +Chxt +Chx7 4+ Chx +1

=(x+10)" (x +2)=x" +C}0§< Ol + G a4 Clx? +x+

| : +2(x“’+C:0x9+Cf0xsfo0x7+...+C?Dx+l)

=_x’i-+(c;0+2)x‘°+(ch+c}0.2)x"‘+(c§0+c,20.2)x8+..._+(c?0+c§‘0.2)x +{Cly +C.2)x+2
.=x“,+a x'%+a x9+...+a“-' ' |

Vay a; =Cjo +2Cjy =672 _

Bai 30: Tinh téng S =1 C;°,2+2 Croia +3 cim,+ +2012°Cp3

A. 2011._2012.22“” . B. 2012.2013 C. 2012.2014. 22D, 2011.2013.2%°
S \ " Bai giai:

k"c‘;w_k[(k D+1]Clyp =k(k—1)Clyy, +kCyp0 Vk=1,2,..,2012

KK, =k(k—1) 002, 2012 2012(2011cm+c,0,,) vk =1,2,..,2012

Y kI2012-K)! K1(2012—- k)‘
Tix d6: o |
S= 2012[201](C,0,0+C,0,0+ +c?,g:g)+(c,m,+c,u,i+ +Coin]
=2012[2011(1+1)2°‘° +(1+1)2°“] =2012(2011.2%°'° £ 22y = 9012.2013.2™"
Dép 58S =2012.2013.2°°

DUNGPAO HAM

Bai 31. (DH khdi A 2005)
Tim 58 nguyén diong n sao cho: : -
Clan ~22C3 . +32°C . -4, 23 cgm, +..+(2n+ 1) 2 2005

2n+l 2n4l

A919 B. 810 C. 1002 D. 1203
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 Chinh phuc diém 8, 9, 10 bai t3p tric nghiém Gidi tich
Bai giai

2n+l n+l 20+l

Tac: (1+x) " = Cpy + Chant +ConiX” + 0o+ + Contl x
Pao ham 2 vé ta cé: (2n+1)(1+x) " =C'2mq +2C3,;x+3C5,.%" +...+(2n+1)Con} x2"

—-2.2C5, 4% +3. 22(:2n+f -+(2n +1)2zn c2n+1 —on+]

Zn+l

Thayx———Z ta ¢6: C!

20+l
Theo gia thiét ta cé: 2n+1 =2005 & n=1002. o S
Bai 32: Tim s8 tw nhién n théa man C3, +2C3, +3C5, +...+(n+1)C3) =1024(n+2)
A5 B.6 S ec7 . D8
' Bai gidi: '
Xét khai trién nhi thite Newton cta (1+x)™ va (1-x)™" ta cé:
+x)™ =C° +xC, +x2C2 + . +x*C
A=x)™ =C —xCl —x*C% 4..+x"C = (14+%0)™ + (1= %)
=2Cy +x'C5 —x'C} +..+x7"C)
Nhin2 vE véi x? ta dwge: -
XM FxP(1-x) = 2(x7CS, + XML - xOCE, Ay S
,La'y dao ham 2 v&ta du@’c: -
21+ %) +2%(1 - %) + 2052 (1 + 0% — 20 (1= %)™
=4[xC;, +2x°C}, +3x°C;, +...+(n+Dx""Cy]
Thay x=1vio ta c6: 2" (n-+2) = 4[C3, +2C, +3C}, +..+(a+1)CL]
o2 (n+2)= 4.}024(n+2) &2 =2"¢en=6
Viyn=6 - | | |
Bai 33: Tix Khai trién bi€u thisc (x_—l)mh =a,x"" +ax” +...+ ajgsxz.-‘i- X +3,4 - Tinh tong
S=100a,2"™ +99a,2% 4.+ 22,,.2% +1a,2' +1 | o
A.201 _ B.202 C. 203 ~ D.204
' '  Biigiair R
+ L&y dao ham hai v& cita (1) : 100(x —_1)-00 =100a,x" +99a,x™ +...+ 225X +ag
+ Nhén hai v& cho x: 100x{x —I)E’9 = 100a0x'"6 +99a,x” +...+ 2a,x° + éggx '
+ Congheuvechol thay x = 2: S o
200(2-1)" +1= 100302'"" +992,27 +...+2a,2% + aggz +1=8
"+ Kétlugn: S=201 '
Bai 34: Tim s§ nguyén duong n sao o cho:
C,. —2. 2. Cl +3 22— 4. 2C

2041 2n+l

A006° - B.1008 -0 C.1010 . 'D.1012
258 c '
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Bai gidi:

Cl . —2.C1 43220, —42°Ch, ., +.+(20+1).270.Cony = 2013 (%)

2 i RELLY 0 ! 22 33 44 204l 2+
Xét khai trién: (1+x) = Ch +XChyy +X°Ch,, +X°C,, +%°C,, + .+ X050

Dao ham ca hai v€ ctia khai trién ta dirgc:

(2n+1)(1+%)™ = Chy,y +2xC2, +3CC,,, +A0C,, +ot (204+1) X CI

Thay x = - 2 vio ta dugc: ,
2n+1=C , ~22C2 , +32°C] , ~4.2°Cs,, +ot(2n+1)2.CH0)

Do dé: (2)<::>2n+1 =2013=n=1006

Bai 35: Tim 8 nguyén duong n sao cho:

Chot —2263,, #3205, —4.2°Cy,, +..+ (20 +1).2.C3y}) = 2013

A. 1006 © B.2013 C. 2012 D. 1008
| Bai giai: |

C,,—2.C2 #3220 | —42°Ch  +ot (20 41).27C00 = 2013 ()

P = pea? In+l ¢ - 22-33 44 -ZIEI
Xét khai tridn: (1+x)7 =Cj,,, +%Cy,,, +X°Ch,, #3°C;,, +X°Ch +o+x7CRY
Pao ham ca hai v& ctia khai trién ta duge:

L W 2 2,303 34 In 204l
(2n+1)(1+x)" =), +2xC;,, +35°Ch,,, +4%°Ch, +o+ (20 +1) " Cop

Thay x =- 2 vao ta duoc:
2n+1=Cy,,, -22C3,,, +3.2°C}

2n+l Zu+l . n+l

-42°C .t (20+1) 27 Co)

Do d6: (2) > 2n+1=2013 < n=1006

~ Bai-36. (DH Kinh t& qudc dan khéi A 2000)

Tinh téng: S=2""Cl,; +27°C%; + 27 Clore + -+ 2018C5 ¢
A. 2016.3%7 B. 2017.3°Y C. 201832  D. 2018.3%"

| Bai gidi
Ta c6r(14%)" = C2 +Clx + C2x2 + 3 +Cix* 4.+ O X
Ldy dao ham hai v& (14 x)"" =C! +2C2x +3Cax? +4Cix* + ...-,lhnC:-x"'i
‘ o © ol +x)m = Gl 202+ 8032 £ 403 + L+ nC'[}x"‘1

n-l

' - Thay x = % , ta duoc: n% =C +2C2 27 4302 272 4 4C 270 e Cl27

- =8=2"'C,+2"?C+2"7C) +.+0C) =03
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Chinh phuc difm 8, 9, 10 bai tap tréc nghiém G1é1 tich

DUNG TICH PHAN
Bai 37. (DH khéi B 2003)
22 -1 2 -1 A |
Tinh tong S= Cm:s.'*' Clﬂms Tcg_ols +E‘f§— gg}:
32019 _ 52009 32018 _ 22018 ' 3019 _ 52019 - 3018 _ 52018
2019 - 2018 : 2018 _ 2019
: Bai giai - v ’

Ta c6: (I+x) —C°+C'x+C2x'+ A"
2
:>j(1+;;) dx=j(cg+c‘nx+c;x .+ Cx" Jdx
Sl

1

2

2 . 3, n+l
@———(1+ N P NP RS E. SRS .
n+ ! 2 3 n+li
2 _ 3 n+l ntl _ An+l
«::>Cﬁ+QC11 2 - C2 +2 1C:=3 2
n+l n+l
19 _ 2019
Thay n=2018 tacd S= '
- 2019
Bai 38. (DHSP TPHCM khé'i D 2000)
: I
Tinh tdng: S= szs += 5 C;ms ++— szs +ot—— " 2019 ng:: . )
2020 2020 _ ' 3019 _ . 2019
2741 B. 2 1 _ C. 2 1 D. 2 +1
2020 2020 © 2019 2019
S - ' Bai gidi s S
1 nH n+l .
* Tacb:l= I(I+x) dx ( +x) | =2t
n+1 n+1

% _1.i - n n ' ’ .n xn+i
_ I_I(C:+c;_x+....+cn_x )dg. [C°x+C' St G ]

+10o
1 1 2 - 1 n - |
+ C +-C +..+—C'=8§.
3 n+] -
. 2n+l_]
Vay: S= .
¥ n+1 -
' 52019 _ 1
Thayn 2018 tacd S =
2019
Ba139 Timsongu endtmngnmoaman C"——CI —C2 l(33 A e
- 7 23T “Tne2 156

A8 B9 c1 _‘ . D11
260 : C
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Bai giai:
Véimoi x € R va moi s6 nguyén duong n, theo nhi thite Newton ta cé:

Cox—Cla® 4.t (-1 Cox™ = (Ch —Chx+.. 4+ (1" Chx = (1-x)"%

Suy ra i(Cﬂx—Csz +o (=D Crx™ )dx = j{(l —x)"xdx
Q

1 1 )
Hay" wCOX——C’ +.. +( 1) C“ I(l—x)"dx—j(l-—x)““dx ! b ! ,
3 ° n+l n+2 (n+1)(n+2)
Vérimc_n YneN* .
Ll ent+3n-154=0n=11(vi neN¥)

Ttr d6 ta ¢6 —————
(n+1)n+2) 156

CAu 40: Rat gon biéu thike T = C? +5c,‘, +-13-c§ Fot " neN.

n+l .
TN - - L n+l
A T=2 B.T=2" cr=21 p. T=2
n+l o n+l n+l
‘Bai gidi:
i 1
Tac: [(1+x) dx = [(Ch+Cx+Clx* +..+Cix" )dx = o+t c'+ SCo e 4
e A n+1
, R . 1+x)" 2o
Mgt khac: [(1+%) dx =t )7 -
_ 5 n+1 |0 ‘n+i
2n+|__.1
Vay: T="—F
y n+l -

Bal 41. (DH Da Nang k.ho: A 20{}1)

] . el M
Haytmhtong S=Chs+— C'20,32+3C;0,82 +— Cim 2+ .+ CI8 g

32-019_1 ’ 320|9_1 R 320]9+1 320]9+1
4038 : T 2019 " 4038 7T 2019
' Bai gidi :
CC’J 1 k S:= - 1 Ck %k+) 2=_J2' k‘{kdx k k_ﬁ 1 k ksl 2
k+1 " 2(k+1) " o 29 " k+1 " 2(k+1) " 0
:>S C"Jx—1

c! 2+ C22+ Cl22+..+ 11C“2“
+

. “.. 1 . " 12 ) 1 )
B 1 S

k=0

k=0 o k=0
2 \ RE nl _ : 2019 _
=lj(x+1) dx:l.(x+ I . Thay n=2018 tacé S = !
2] 27 0+l |0 2(nt]) 4038
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Chinh phuc di€m 8, 9, 10 bai tip tric nghlem G1a1 tich

* Bai 49: Biét tdng cac he s6 ctia khai trién (x + I) la 1024. Hay tim hé s8 ctia a (a 12 s8 tw )
nhién) 'cua s6 hang ax" ‘trong khai trién d4. ' '
A0 B.45 S C. 120 D. 210
' | Giai - '
Ta cé: T= c° +CL +C 4.+ C =102 o 2" —1024<:>r1--10
Hé s8 ctia x*12 [a: 10C6 = 210. '
Dap an A, :
Bai 50: Tinh gié frj cita 22 C3, +22'2CL, +..4+2°C2"

pypdns A C. 9_ L p.2+3
2 2 2 —
. Giai :
‘ l 2+1 2n 2—1-2" n
"Gy, +2772C 42 = [( Y +@2-D J L+l
: _ 2 2
Dép an A. :
- - 1 2 3 - ; 1y n )
Bii 51: Tinh téng §=— 0 ~C, 260 3G, (1)'aCy
23 34 45 (n+1)(n+2)
n-. -2n —11
A B, ————— c.— 8 D2
(n+1)(n+2) {n+1}{n+2) ~ (n+1)(n+2) (n+1){n+2)
:  Bai gidi: ' :
. T. .2 3 - " n
Tinh tgﬂg S= _C" + 2C" _3C" +..+ ( 1) nCn
' 23 34 45 7 (a+1)(n+2)
. ! . ! kel
Tacé o n 1 (n:+1)! C

k+1 Tk!(k+1)(n-K)! n+1 (k+1) (n+1)- (k+1)]1—nrll @
(-1°kct _ (-1)'kcid

(k+1)(k+2} (n+1)(a+2) -
‘Cho k chay tr 1 den n 16i cong ve cac déng thirc trén ta ¢

" Ap dung 2 I4n céng thirc (3) ta duwoc:

(n+l)(n+2)S=—C32+2CM1 -3C),, +...+{-1)"nC2
= (€2, +C, )+ 2(CL 4, ) =3(Ch + €2 ot (1) mCEY
==Cl 4Gy = Chy ot (1) OO o
=Cou = Chu— (CL] M.+Ci+1 “Co+Chy —Clyy (= 1™ o) =1=(n+1)~(1-1)" =

Vay S=

(n + 1)(11 + 2)
Dép in C.
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Bai 52: Chimg minh ring: v6i moi cép s ngayén kin(1<k <n) ta cé: kC{ =nCk7 . Tim
s8 ngityén n > 4 bidt ting 2C° +5C, +8C? +...+(3n+2)C" =1600

A6 -

'B.7 C.8 D.9
Bai gidi: :

!
Ta cd: KC* = K-

(n—l)!

K- (k=D [(n-)—(-D]t nC,5 (Bpom)

2C) +5C, +8C2 +..+(3n+2)C! = 1600@3C}, +6C2 +...+3nC" +2(c: +C, +..+Cp ) =1600

& 30(Cy +Ch+..+C }+2(C) +C, +..+C) ) =1600 < 3n(1+1)" +2(1+1)" =1600
=302 =1600 < 302" +2" =100 > n=7. '

Pap an B.

Bai 53: Tim s8 nguyén dwong n sao cho: G}, +C;, +Cj, +...Con ' =27

A.22 B.24

C.25 D. 23

Bai gidi:

Tacé: (1+1)" =C5, +C!

2 3 2n
In +C2II + C!n +"‘+C2n

{1-1)" = €3, =€l +C}, =3, +...+ Cln = 2(Ch, +C3, +C}, ..k Cot) =27

=Cy, +C3, +C5, +.+ Cp =2

Do gia thiét: C}, +C}, +CJ, +..+C2" =2 nén 2" =2 @n-1=23 =n=24

Dap an B.

© Bai 54&: Tinh t6ng: S, -=1%.C);,,+2".Ch s+ 3°.C

(A.2012201327"  B. 2013.2014.2%"

Tinh t8ng S, =1.Cly, +2°.C2

} .. +2013%.C00

2013 2013

C. 2009.2011.2%" D. 2013.2015.2°"

Bai giai:

2+ 30, + .+ 20137.C00

S8 hang téng quat ctia tdng 1 a, =k2CY,, =k(k—1+1)C%,, Vk =1,2,..,2013

2013!

2013!

a, =k.(k—DCh;,,+kC5 = k(k 1)

1<1(2013—!<)1Jr k2013~ K)!

vk=12,..,2013

3, =20122013.C;7 +2013.C4;1, Yk =1,2,..,,2013
S, =2012.2013(Cly;, + Chey +...+ C11 ) +2013(Chypy + Cheys +..+ Coo)
S, =2012.2013.(1+ 1™ +2013.(1 + )2 = 2012.2013.2%"" +2013.2°% =2013.2014.2°"

. Dap 4n B.
. . i 0 ] 2
Bai 55: Tinh téng: 8, = 2220 ;. G | Canns |
_ o 12 3
22013 _q . g4 _
) B. 2 1
2013 2014

Coons
2014
52014 _ 2013
2_2 1 2_2 . 1
2014 2013
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Chinh phuyc diém 8, 9, 10 bai tap tric nghiém Gidi tich _

- Bai gidi:
. - 0 C' . ’ o -
Tinh tding: 8, ==+~ ;‘"3 ok BB

: o : . K :
56 hang t6ng quat ciia tong la a, = %Vk =0,1,2,..,2013
' +

k 1 i
g oG 201 1 O vk=0,1,2,...2013
Tkt (k+DKI2013-K)! 2014 (<+DIOB-B!
k+l

Vay ta dugc a, = —%ﬁb’k =0,1,2,...,2013

S, = 5pr7-(Chne + Cln +.+ G5 = = [(1 ™oy, - 2
2014 2014 2014
Pip an B. ' L
Bai 56: Tim 58 nguyén duong n 16m hon 4 biét ring:
2C7 +5C! +8C2+...+(3n+2)C? =1600 -

A6 - B7 C.10 D.12
Bai giai: )
Tim s6 nguyén dwong n 1én hon 4 biét ring:
2C, +5C, +8C; +...+(3n+2)C2 =1600 ‘
Xét 58 hang tong quét :(3k +2)C* = 3kC* +2C* =3nC* +2C*  Vk=12,..n
gt 3n(C, +C +. +C)+2(Ch+CL +C)=1600
& 3n{1+1)™ +2(1+1) =1600 < 302" +2.2" —1600<:>2" '(3n+4)—1600
* Chia hai v& cho 16 ta duge: 2" (3n+4)=100(%)
Néunz8= VT* chla_ hét cho 8 con VP* khéng chia hét cho 8 {loai)
Tird6 5<n <7 thir céc gid trin=>5, 6,7 vao (*) chi ¢6 n=7 théa man
Véayn=7 thi ta cé: 2C] +5C] +8C +.. +(3n+2)C"—1600
Dip an B.
Bii 57. (CD Sw pham TPHCM khéi A 2006)
1.¢? 2¢ 3¢
1 -+ 1 + i +
A AL A
A2 | B.2® C.21 | D.2%
B giii

, 0 ol 3 nreN,n22ﬂ neN,nx2
o C +C +C =21l . n{n=1) = :
- C l+n+ =211 n“+n-420=0

C,
+(n+ ) “‘B1etrang C°+C' +C2—211

n+I

Tinh téng S=

<>n=20
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(k+1)C5  (k+1).C*
AL+I - (k+1)! .

k!

Do d6: véin=20ta c6: S=Cyy +Cy +...+Ch =27

= Cz (k = 1,2,...,1'1)

Pap an D,

.. Bai 58 Tmh fé’ng S= Cgo:s + 2C]20|5 +3,C§mr> + 4C§.om +...+20] 7C§g:2

A.2016.2%" © -B.2018.2%" C.2014.2%% D.2020.2%
Bai giai: -

2016 _ 0 I PR S S 2016, 2016
= Chue + ConeX + CopieX” + CogeX +oo+ Copie

Taco (x+1)
Nhién hai v& vdi x ta dugc:

x(x+ 1)20]6 = Cgo;(;X + C]zme.x2 + Cgomx3 + C;016x4 Tt ng:gxm”
L&y dao ham hai v&, ta duoc: :

(2017x +1)(x +1)™"% = €%, +2C}y 6% +3CL k7 +4C3 % +...+2017CH1x >

* Thay x =1v40, ta dwge: 2018.2%% = Cly\; +2Chy, +3C, +4Chs +.. 4 2016CHE

Vay tdng: $=2018.2""

.DapanB.
Bai 59: Tinh t8ng: S = C3,C;; + CeCit +...+ CpCl + CuCly _
A.CE . B.Cj, C.Ch D.C},

o Bai gidi:
Tacé: (1437 =(1+x)° (x+1)° (1)
VT=(1+ x)u_= Cy + Copx + Cx® +..+ Cx™ |

- Hés8cua x' - trong khai trién v& trdi 1a Cl) (2)
VP = (C3 + Clox + Cox? 4.+ C2x™)(CY, + Clyx+ Cox? ..t Cix")
Hé s8 ctia x'' trong khai trifn v& phai 1a: CYC}} +Cho Chs ...+ CiCl, + CHCHL (3)
Tix (1), (2), (3) ta c6: §=C3,C); +CyuCyg +-..+ CCiry + C T, = cl
‘Dip an B.
Bai 60. (CP Kinh t€ TPHCM 2006) :
- Timn e N sao cho: Cy,,, +Cj,,, +Clypp +.t Conyy =256

4n+2 -
A4 B.1 C.2 | D.3
o Bai gidi
: . CéCh 1: Ta Cé an;z + C]‘ln+2 + Cimz toot C:::i = 24“2

[V 2 4 ’ 4n+2 _ ~dnxl
C4n+2 + C4[H»2 + C4n+2 ot C4n+2 =2
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Chinh phuyc diém 8, 9, 10 bii tip tric nghiém Giii tich

an+2
Véy cé: 2" =256 <>n =2
o Cach2: D4t S, =C5,,,+C;,,, +Ci ., +..+C2,
TR S, =g #Chue #Cl + -4 Clle
Vi C2,, 2CE, (0
Khin=2thi S, =C), +C} +C}, =256
Viy S, =256 = n=2. o

1] 2 4 2n __~Adn
C4n+2 + C4n+2 + C4n+2 + ) C =2

(05k< n)nén S, >8, = Day (So) thng,

Pap an C.
Bai 61. (DH Hang hai 2001) ,
Tinh tdng: S = Choyq + Cipg-3” +Cogps 3 +..+ Clor3 37

A, 22013(220:7 +1) B. 220.13(22019 +1) C. 220[7 (22018 +]) D. 220ts (2zo|a+1)

Bai giai
Tacé: (143)" =C% +C, 3'+C2 3 4..+CR 3"
(1-3)" =C3,Ch,.3' +CL 3%+ CI3"
Cdng v& theo v&hai déng thizc trén, ta dugc:
47 42" =2(Ch, +C 3+ e CR3™)
Tir d6 ta duge: €3, + .3 +C), .3 4.+ CIL3" = 2201 (220 11)
Dip an C. | | |
Bai 62. (PH Luat TPHCM kh6i A 2001) ,
Tinh t8ng: S =Cy,4.3%"7 +2C5,,.3"° 4+ 3C3,,..3" +2018.C208
A. 2017.4%V. CB.201747% 0 C.20184°7 D, 20184%"
- Baigidi
Xét ham s8: £(x)={x+ 3} =Cl3"+CL3" " x 4.+ Ol X"
Tacé: £'(x)=n(x+3)"" =C! 3% +2C 3" x + ...+ nCl x™ |
Cho x =1, tadwoc: f'(1)=n4"" =C, 3" +2C2.3"? +3.C,.3"” +...+n.C] (dpam)
- Bai 63. (DH Vinh khsi DTM 2001) | o
Tinh tng: § = Chyy +32Clyy +3* Choe +3°%.Coin :
A, 9200 (22001 _ 1) B, 220 (2200_: + 1) . 2™ (zzom _1) D. 2001 (21000._1)
' _ - Baigiai o

. w2 k
Taco: (x+1) =Y Chyix
k=0

Ly JR - koo ak .
(HX + 1) = Z Cron{(—%} ‘ R
. k=0 .
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" Conglai ta dudc:(x+1)m' +(-x+1)™" = Z(Cgm, FXIChy + X Clogy +oea x2°°°C§gg?)

Cho x = 3 ta duge: 47 —2% =2{Cly, +3°Chygy +3* Clgy +-.+3Clitt )

2 ' 2000 2 200
= Chooy 3 Clagy +3* Cleg ...+ 37 Clgil = 270 (27 1)

Bai 64. (PH khéi D 2002)
Tim 's8 nguyén duong n sao cho: C) +2C} +4C2 +..+2"C, =243

An=8§ B.n=5 C.n=17 D.n=14
Bai giai : '
Tacd: (x+1}' = ZCﬁxk
: s
n

Ch0x=2taduz0c Z :3“=2434:n¥5

k=0
21+11 -3=29 56 hang. Déap an B.
Bai 65. (CD KT Y t812006) Tim s8 ty nhién n thod mén déng thirc sau:

€0, +C2, 3 4.+ C I 4 L4 CR73™ 2 4 O3 =2 (20 41)

An=9 B.n=4 C.n=8 D.n=6
Bai gidi

Taco: 47" =(1+3)" = +CL3 +C 3% +..+CI g, Ch3™
27 =(1-3)" =}, - C}, 3"+ C} 3 - .- C' 3 4 O3
= 4 42 =2(C), +C, 3 4.+ C3™) =>4 427 =22 (2% 41)
=2 =2°) (2" +2°+1)=0 22" =2 n=8. Pip n C.
~ Bai 66. (DH An ninh nhén dan Khsi DG 2000)
| Tinh t8ng: S= Clhp +2Che00 +3Cg, + ...+ 2001C2%

A 1000.229"" B. 10012 ©C.10012% D. 10002
Bai giai
[x+1)" = z Czom X' (1)
- .Trong (1) cho x =1 ta durge Z Clpge =27
i=0
2000
Dao ham 2 v& cila (1) theo x, ta c&: 2000.(x + 1 Zlczmx -
2000

" Chox=1ta duoe: Y iChggg =271 =1000.22"

i=1

2000 000
Do dé: 8= Clogg + 2, 1.Chpg =1001.27.
i=0 i=1
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Chinh phyc diém 8, 9, 10 bai tdp tric nghiém Giai tich

Phin b:

-—._-———-———-.._._ - — i —

SU' DUNG CHO SO PHU'C ;

— - — - Lt e i T T pep———

Caul:Cho z =3+i,z,=2—i. Tinh |z, + z,z,|
| | ; Gidi:
z,+zzz—3+:+(3+1)(2—z)—10—]0+0::>|z,+zzzl- 10° +0% = =10

SITYF

Dung Casio nhur sau: B4m mode 2: ® dé chuyén sang ch& d¢ s phiic.

Mu6n bAm chit i tabdm

Nhap bi€u thitc: 2, + 2.z, =3+i+(3+i}2~i)

VINRCOEIL: 7985 1L 1

AN st

sris(Eridez-1)
10 n N )
Vay médun =10

- Cau2:Choz =243, z,=1+i. Tinh | 272
CZ

;Iz,3-322’

Giai:
o BtE 344 _(3Ha)(1-8) 7+i|z45| ﬁ+1 52
R N z, 4 4_ 2
- Diing Casio: m
1+i
VINIRCHL. $7EY PLES 1
"U" : | ath &
243i+1+i -
143 Tol:
— ,_,_,E..?.“
Tlnh modun Ta b&m luu ket qua s0 phuc trén bang cach b&m Shift Sto A.

pik (2L ;}\;

i

Dé tinh dwrge médun ta pha1 bam Sh1ft hyp

WINRCAR 370EN PLUS T

e AL o

Skt fi Ly

ta dugc két qua nhur saw:

A amx @ oA
- lal :

SIZ
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Cau 3: Choz =2+3i, z, =1+1i. Tinh |z -3z, |
o ' Giai:

27 +32, =84360+54i* 4277 ~3-3i = 49+ 6i = |2 +32,| = /7437

Bém tuong tu bén trén ta thdy man hinh hién ra nhw saw:

WVENRCFIL STES PLITH

S s

cwin @ [P

(2+312°-3(1+i)
A%BL
- Ta lwu vao A dueoc nher saw:

WINNCAR:- $7aEY PLUS

s i

ey O Nath &

CAnsef
4SEL
© Tinh mddun

L . . ’ WINRCNs 7065 PLES I
[

W e -
1Al
48.36598019

B:‘ai4:Choz1":3+i,z =2-1. Tmh|z +zz|

A9 . B0 c7. - D.6

' Gii:
An MODE 2 (chuyén sang ché& d¢ s6 phuc) _ S
Nhap Vao may t'[nh . VI.anﬂU 5“:.2&‘ FI.LSJ:;R-“TU«.“W
3+ENGSHIFTSTO A U e @
i - - taraBl
2 - ENG SHIFT STO B 1

B&m SHIFT hyp r6i nhip nhuwe hinh:
0 Bai tdp tir luyén:
Bai5: Cho z = 2 + 31, z, = 1+z:
) Tirkh |z, + 32|

A2 B. Va1 c.Ve1 - D.13

a4z
b) Tinh |-—+——2

2_2 ¢

. | _
.Asgg:' | B.égé | C. 52 D. 5v3

271

R T AT LAV N T N L A e B 1 AR YRMEaaei. o TREA LT DL OSTCRNLRIOON TEFRISIIININLS D B e TR EAT fimn e

TR



Chinh phyc diém 8, 9, 10 bii tip tric nghiém Gidi tich

_ ,.c‘),Tirmlzf+3z2l”-_ o o :
A2437 B 2354 C. V16 D. V2134

~ Bai 5: Cho s6 phizc 2 =a+bi, (a,b € R) théa manz’ = —60 + 32i. Tinh gid tri bidu

thite A=a+b: , 7

A.A=5hoic A=4 B.A=4hodcA=1

C.A=10hojc A=-10 _‘ D.A=2hoicA=-2

. Gia:

Liru ~60+ 32/ vao A bing cach SHIFT STOA.

- R . o m,.: et -
fTAT20.58r9(R)

Vab&mnhuwhinkh: ool STOL

Cich bém: | | bdm SHIFT hyp, £ bim SHIFT (-), Arg béin SHIFT 2 1

(2+8) l:a+b=10

60+ 32i = |
Suy ra ’ [(_z_sf:)f“? atb=-10- -

~ CONG THUC

L e+ 2f +ley -2 =2(faf + [ )
- | . 2 2 2 2 2 2 2

A A AR A A AR A A LA A A A

R . e 2 : 2 2 2 \2

A A A A A R R A A A A =4(|z1| +lz,| +[z3|)
4. Iz,l—lzzlslzt+zzls|z]'l+|zzl - 7
s || ~Jz.| < |z, - 2,] <[z, +]z,|
6. |z, + 2, 4|z, + 2|+ |2y vz | S|y [+ ] # || He, vz, 42|

7. IZ;|+|22'+|7~3|5|Z1 +z, —z3]+lz1 -z, +23|+[—zl +2, _+za'

: . R T 1
8. Khi z; +z) +..+z =0 véi k,neN thi —+-—+..+—=0
1 2 n

9. Khi Izllzlzzlelzalé R thi |2, —zzl|zz. —z,|+|z, - 2|2, _721,4'_|23 ~z,|z, ~z,|<9R*

10. Cho 8 phirc z théa man |z]z-zz|=ﬁ.TinhMin; Max clia ]z—za_|. o

i Min ] _]
z,

—-Z
23 4 .
2 R

z
Max =12
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Ji +4+k I |_\]k2+ -k

12. Dang: |zlz+zz'|+|z]z—zzl=k vai z, =a+bi;z, =c+d1,z=x+y1

11 Cho ze T’ théa man z+-— k thi Max ||—

k2—4(c2+d-2)

Ta cd: MfTIIZl= W-)'—-

va Max|z|=———
2‘21|

fi-2jd)
N

713 Cho]z+a| lthllz +a|>

TINH MODUN LGN NHAT VA NHO NHAT

Cau 1: Cho s phirc z thoa mén |lz—2i|=+5. Tim gia tri lén nh&t ctia [2]:
A2 B.2++5 cs D.4+45
- Ciu2: Vi che s8 phiec z thoa man{(1+ ) z-+1-7 = /2. Tim gid trj 1on nhét ctia [
A.max|z}=4 B.max/|z[=3 C.max|z] =7 D. max|z|=
Céau3: Trong s§ cdc sO phitc z thoa man diéu kién |z-—4+3i| =3, gqi. z, la s8 phizc ¢6 md
| dun lon nhét. Khi 46 Jz,| 1 - |
A.3 B.4 C.5 D.8
Céu 4: Trong cac s8 phitc z thoa |z -+ 3+ 4i|= 2, goi z, 14 s6 phitc ¢ mé dun nhé nhit.
Khi do
A. th“mg £5n tai 58 phicz, . B.|z,|=2
Clgl=7. . , ' D.jz,|=3.

Céu 5: Biét réng s§ phic z tha man » = (z+3 —1)(2 +1 +3z) 1a mgt s0 thuwe. Tim gid tri

" nho nhat clia |z| : . ‘
A8 | B.42 ez 1).—‘/2Z
Cau 6: Cho s3 phite z thoa mén|z fiv 1f= |;— 2:‘[ (Gid tri nho nht caa [2] 1a:
A, |-z|=;_ B.|z|=JJ2= Clz|=v2 . D=

Ciu 7: Biét ring s8 phic z théa mén: @ =(z+3- i)(;+ 1 +3i) 1a mét s6 thyre. Tim s8 phute
248 |7 dat gid tri nho nhét. L :
A z=2+42i, B.z=-2-2i. C.z=-2+2i, D.z=2-2.
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- Chinh phuc diém 8, 9, 10 bai tap tric nghiém Glér tich

z+2
Z+1~i

C3u 8: Cho s6 phuc z théa mén

l \/_ Tim trung binh cfng gla tri nhd nhit va

16n nhét ctia [2]. b . ,
A3 B.\103 | C.2J15 D.V1o
Cau 9: Cho s6'phixc z thoa mén: |z +i+1]= |z 2i|.Tim gi4 tri nho nhdt caa |2]?

V2 1

1 .
Ao - B.2. c7 D. .
Céit 10: Trong céc s8 phirc z thoa man digu kién |z-2—4¢[;|g~2¢|.hm s8 phirc z c6
mbdun nhé nhat. | L |
Az=—1+i B.z=—2+2i C.z=2+2i D.z =342

Ciu 11: S8 phiic z ndo sau diy ¢ mddun nhd nhat thoa | z|=| z - 3+4i |

A.z£3—zi . B.z=-3-4i - .C.z:—z—'Zi.‘ i D.z=§—+25
8 ' 2 2 _

Ciu12: 55 phfrc Z ¢d.mb dun rihd nhit sao cho: 'leh: l; -3+ 4:'[ la:

-A.z=,—3—2z‘" Bz=-3+2i Cz=2+2 . Dz=2-2
2 ' 2 2 ' 2
Cau 13: Cho s8 phm:zthoa man diéu k1en[z ~2- 4zf—|z 21| T1m s6 phtic z cé modun_
nhé nhit. : ' :
Az=-l+i B.z=-2+2i C.z=2+2i D.z=3+2i

Cau 14: Cho céc 8 phtec z, w thoa man Iz+2 2i|=|z—4,w=iz+1. Gia tri nho nhét ctia
hw| la: ' B

V2 _ c.3—‘/5 - D.2v/2 -

CA— B.2
2

Cau 15: Cho s8 phizc z thdba mén IZ] 1. Tim gia tri Ion nhit cia b1eu thize T = |z+ II +2]z 1|
AMaxT=2{5.  B.MaxT=210. C.MaxT=3/5. D.MaxT=3J2.
Céu 16: Trong s§ cac s§ phirc z théa man digu kién [z—-4+3]=3, goi z,1a s8 phtrc éd

médun nhé nhat. Khi d6 IZOI la; ‘ -
A3 B4 | cs D2
: , véi -

~ Cu 17: Cho 58 phirc z théa man |* -2z +5|=|(z~1+2i)(z+3i-1)|. Tinh min
w=z-2+2i. _- |
A.minlwl=% . B.min|u{=2 , C.nﬁnlwf=_1 | D.minlw[z-;-
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Ciu 18: Cho 8 phire z théa man |z —4|+|z+4|=10. Gié trj 16n nhat va gid tri nhé nhat
- cﬁa|z| [3n legt 1a: 7

‘Ai0va4  Bb5vad Cavad D5va3
Ciu 19 (Chuyén Lam Son Thanh Heéa): Cho s6 phirc z=a+ bi(a, b‘E RB;a> b, b> 0) . Pt

da thire f(x)=ax>+bx—2. Biét £(~1)<0, f&] < —%. Tim gié tif 16n nhét cia |2
A max|z| =25 B. max!z] =32 C.max|z| =5 D. max|z| =2J6

Cau 20: Cho z 1a 6 phiic thay d8i nhung ludn théa mén [z|=1. Goi M, m lan lugt 13 gia

trj 16n nhat va gid tri nhd nhét ca bidu thire P =[1+2]+[1-z+2*|. Tinh gia tri bidu:

thite T = h:[
7 4m” +1 _
AT=13 ' B.T=l C_Tzﬁ
4 4

D.T=1

—2-3

Céau 21: Cho 58 phirc z, im gid tri 16n nhdt ctia |z biét z théa mén didu kign

A.3. . B2 C.1. , D.V2.

Cau 22: Trong cac s§ phizc z thoa man didu kién |z -2 —41'] = Iz —21'|. Modun rthé nthat
clia s8 phiic z 1a: : : '
A8 -~ B4 C.2y2 D. V2

©* Cau 23: Tim s8 phirc z ¢6 |2| =1 va |z +4 dat gi tri Ién.nhat.
Al S Bl C.i D, ~i

Céu 24: Cho 58 phic z thoa mén |z] = 1. Gié trj 16n nhét ctia biu thirc 7= 6]z + 1| +8lz 1| I
A.max7 =10 B.max T =10 C.meax 7 =20 . D.maxT =25

Cau 25: Cho s8 phixc z thda man [z = 2. Goi A va B fan luot 13 diém bidu difn ciaz va z.
Tim gi trj 16n nhét cha dién tich tam gidc OAB. -

A3 v B2 . C.1 D.g

Cau 26: Cho s phirc z thoa mén |z—2-3i| = 1. Gia tri 16n nhétctia [z+1+i[1a:
CANIZ+2 - B4 C.6 D.V13+1
Cau 27: Cho hai s§ phuic z: va z2 thoa minz, +z, =8+6iva |zl ——sz1= 2. Tim gia tri 1émn
nhétcta P =|z[+|z,|?

A.P=46  B.P=5+35 C.P=2J26 C D.P=34+32
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Chinh phyc dlem 8 9 10 bal tap tric ngh:em Gn’u tlch

Ciu 28: Biét s5 phuc z=x+yi (x yeR) thoa min ditu kién Iz ~2- 41| = Iz 21| [<4] modun
- rhonhdt Tinh M =2+ -y -
AM=4 B.M =4 -C.M=8 D.M =2
- Cu 29: Cho s8 phitc z thoa man: |z]=m’ +Zr}z'+5, v6i m 1a tham s8 thuc thude R. Biét
ring tap hop cic didm bidu dién cdc s§ phitc w=(3-4i)z~2/ 13 mdt dudng tron.
Tinh bén kinh 7 nhé nhét cia-dudng ton d6, o
Ar=20 B.r=4 C.r=22 - D.r=5

Ciu 30: Cho s8 phu’c z thoa man |z| =<1, dong thdi z ¢6 phan thyc du’cmg, phan 4o dm.

D gt A= 2z
2+rz

A=) B.|4|>1 C|fi]<1 . DJg>1

. Ménh de nao sau day dung’

Céu 31: Cho hai s6 phiic z1; z2 théa man Ilz, +2 | =—vaz;= 1z[ Tim gia tri nhé nhét cia -

bigu thic |z) ~ 2,
A2 B.2+—l—‘ | {3-_\/‘_L,,, , D2+
i z S )
Cau 32: Cho 56 phu'c zva so phu’c lién hop chiané 7 c6 difm bidu dién 1A M, M". S5 phlrc
z.(4+3i) vasd phuzc lidn hop ctia né ¢6 diém bidu din Iin Lot 1a N, N'. Biét ring 4
diém M, N, M, N“Tdo thanh hinh-chir nhat.-Tim' gid tri nhd nhit cta biéu thizc
|z+4z—5| _ - _
5 : 2 . : i 4
A R
" Cau 33: Cho sﬁ'ph\'xczcé médun |z} =1. Gia trj 16n nhét cﬁébié’u thitc P=[+2]+3|1-2| I

A3V10 ~UB.2Y1I0 cé6 - D.4J2 -

- Cau 34: Tim s8 phitc z ¢6 médun nhé nhit thoa man didu kién |—2 ~3i+ Z] =|z—4].

a8 83 cl D.ﬁ
5 5 5°5 5 : 5
Ciu 35: Cho s8 phiic z thoa man lz 2 31[—1 Gid tri lcrn nhét cia |z+1+zl Ia:
A J—3+2 B4, C.6. D.Vi3+1.
Céu 36 Cho s8 phu’c z#0 thoa man Iz]> 2. Tim téng gia tri 16n nhét va gia tri nhd nhit
*ctia biéu thire P=|21 o
Al ~ B.2 o C.3 . D.4
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Chu 37: Goi T 1a t3p hop céc 58 phitc z thda mén |z—i| =3 va [z—llé 5.Goi z,;2, €T Idn
Tirgt 12 cac s6 phite 6 mddun nho nhét va 1on nhat. Tim s6 phie z, +2z,
Al2+2 : B.-2+12i C.6-4i : D.12+4i

Cau 38: Cho s phixc z thoa mian |z|=1. Goi M va m Ian luot 1a gié tri 1on nhét va gid t
nho nhét ciia bidu thic P =z +1)+[z? =z +1]. Tinh gi4 tri clta M.n

A 138 . ¢ 35 - p B
4 4 4

Can 39: Goi S 12 tp hop céc s§ phike z thoa mén |z-i|23 va |z-2-2i|<5. Ki hidu z,,z,
12 hai s8 phitc thudc S va 1a nhitng s§ phite 6 mddun Tan Twot nhérnhé’t va 16n nhit.
Tinh gié tri clta biu thiee P=|z, +2z,|.

A. P=2V6  B.P=32 C. P=+33 D. P=8§
Cau 40: Cho s8 phtrc z théa méin |z~3~44=+5. Goi M va m 1a gia trj 16n nhat va gia tr

nhé nhét ctia bidu thite P=|z+2[ —|z~1’. Tinh médun s& phirc w =M +mi .

A jw|=2314 B. |w]=+1258 C. |w= 3Vi37 D. |w|=2+/309
C4u 41: Cho s6 phitc z thoa min |z =1. Tim gia.trj I6n nhét cha bidu thixe P=|z+1|+ 2|z —1| .
AR, =25 B. P, =210 C P, =35 D. 2 =3v2

Ciu 42: Cho s8 phitc z=x+yi (x,yeR) théa man |z—2-4i=|z~2i| vA m=min|z|. Tinh
médun'sd phitc w=m—(x+y)i.

A =243 B. [w]=3v2 C. [w|=5 D. =26

'Ciiu 43: Cho s§ phixc z=x+ i (x,ye R) thoa man |z+1+1|=[z-2{. Tim médun nhé nh4t

.Céu 45: Cho s8 phite z-thda man

cla z, ‘
A, minld] =7 B.mind<1  © C.minfe]=0. D. minj|=--
| B
CAu 44: Cho s8 phitc z théa man |z|=1. Goi M va m la gi4 trj 16n nhét va nho nhit cta
biéu thikc P=.|z3 +32+E1—|z+;|.Tinh Mm
7 13

A — B.
4. . N

c3 p. B
4 4

w

al

3-3V2i, 1
1+2+/2i

' 16n nih&t va gid tri nho nhéit cdia bigu thirc P =z ~3-34. Tinh M.m

=+/3. Goi M va n Ian luot 13 gié tri

A Mn=25 B.Mn=20 CMn=24 - D.Mr=30
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Ch

inh phuc diém 8, 9, 10 bai tip tric nghiém Gial tich

Cau 2: Dép an D.

+

+

Phwong phép:
bit z=a+bi(a,b eR) .

Blen dst digu klen da bai, stz dung cac bat dang thike can thidt de déanh gia !zl
Cich giai:

bit z=a+bi(abe IR). Di"éu ki¢n dé bai tuong duong véi
[(1+i)(a+bi)+1-7i]= V2 & [(a-b+1)+(a+b-7)i=2

& (a-b+1) +(a+b~7) =2 & (a* +57)-2(3a+4b)+24 =0 (%)

Ap dung bét déng thize Bunhiacopxki, ta c6

(3a+4b) <(3? +47)(a? +52)=>3a+4bé5\1a2 +8
(9=02(a* +57)-10Va> +2° +28=4< P +b <6 =<6

18 24

Dau “=" xay ra oz= ~5—+?:

Ciu3:PdpénD. _
> Céch gidi: goi z=x+yi; Khi d6 z—4+3i=(x-4)+(y+3)i khi d6

|z 4+3i| =|(y ~4)+ (y+3)i] =3 = (x - 4)’ +(y+3) =9

Vay quy tich céc diém z thue dwong tron tam [{4;-3);R =3

5 {y =3sint+4 -
Pat

y=3cost-3 =x +Y2=(3s,int+4)2+(3cost—3)2

—9sm 1+9cos’ t+24smt 18003t+25 24sint— 18003t+34

" =24sint—18cos t,s'\/(242 + 182)(sin2 t +cos’ t) =30 (theo bunhiacopxki)

':>x2-i-y3-’s30+’34=-64::>\/x2+y2 <8=|7<8.
» Céch Khic. | '
Giasi z=x+yi(x,yeR) tacé:

[z-‘—.4+_31'|7=3<:>].1t:+yi--—.‘4+3i|=3«.':.>(Jc—4)2 +(y+3) =9

Sx +y —8x+6y+16=0 x4+ +16=8x—6y

- Taco (8x-6y) <(8 +(-6)')(<* +y) 100(x* +-y2)=$sx—6y<1o,/x2¥y2

=(x+y )+16<10,/x +3 <‘:>]z| +I6<10|z|¢:>]zl —1o]z|+16<0<=>2<]z|<3 :

Do d6 suy ra [zof 8
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Cau4: Dip &n D.

» CachL: .
Dit z=a+bi (a.beR). ’
 Khidé |z+3+41|=2@(a+3)2+(b'+4)2:4.- B
' Suy ra bigu difn hinh hoc ctia 88 phie z 1 | . :
'duf.‘)'ng tron (C) tam' | (—3;—4) va ban kinh ¢~ A
© R=5. : . -
Goi M (z) 14 diém bidu dién s phitc z . ( : -
Tacs: M(2)e(C).|z/=0M =20l -R=3. \/
Viy |2| bé nht bing 3 khi M(z) C)nm. -

% Cach khac.

Gia st z=x-:-}.rf(£,ye]R) ta cd
|z+3+4i|=2 e |x+ yi+3+4] =2 (x+3) +(p+4) =4
-éx2+y2+65c'+8y+21:0<:>x2+y2+_21=—6x—8y | |
Tac6 (~6x—8y)" <[(-6)+(=8)' [(x* +*) =100(x* +17) = —6x—8y <10¥* + 7.
= x4 4212102+ & |2 +21510}z] & |of ~10]7+21<0 = 3<|o<7.
Do d6 suy ra lz,|=3.
Ciu 5: Pép 4n C.
Giastr z =x+ yi{x,y € R), ta co:
u:'(z+3—i)(2+1;3i):[;E+3+(y—1)i][x+i—(y—3)f]=x2+y1+4x—4y+6+2(x—y—4)i
Tl-leo'gi-étlﬁé’t ueReox-y-4=90
» Cach1: |Z| mmﬁ’ZI min
|z| =x° +y (y+4) -+~y —2y +8y+16 2(y+2) +828
'Dé’u"—”xayrakl"uy 2=x=2
Vay |z|mm§i>z—2~2z:>|z]min=2«fi o

. » Céch 2: Gia st M (x;y) 12 diém bidu qién clia 7 thi lz2|  <OM,, <O0Mld
" Tatim du’éc‘ M(232)ez=2 -lie ]z[min_-? 22

.Caué DapanB

Got 58 phuc can ﬁm laz= a+b:(a beR). Kl'udotugla thiét, ta co:
[a+b1+:+1|—|a bi~2i o (a+1) +(b+1) =’ +(b+2) < 2a-26-2=0
a=b+1 - '
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Chmh phuc diém 8, 9, 10 bai tap tric nghiém Gidi tich

Cau14 DapanA
Batz a+bi{a,beR), khidé z+2-2i=a+2+(b-2)i va z—4i= a+(b 4)i

Nentaco(a+2) +(b 2) =a’ +(b 4) Sat+h= 2<:>b 2-a

Khi d6 w=iz +1= (a+b1)z+l 1- b+ai=|w|= Ja +(b I) —\/a +(a 1)

. Tacs o’ +(a-1) =24° —__2a+1=2(a—-—] = :>| w2 \/_ J_

- Cau 15: Pap an A.

=[z+1]+ 2]2;1[ < \/(1 + 22)(|z+.1|2 {]z—l]z = \/5._2“2]2 + 1) =2J§_

" (BDT Cauchy - Swart)
Chivy: 2+ 1 +|z— 1 =2x% +2y* +2 = 2(|df +1)vmz x+yi

> Cach 2: Dtz = x+y1taco

| :|x+'yi+-l|+2|x—yi—1|=\/(x+1_\)2+y2+2\[(x_1)2+y2
Laicod X’ +y° =1=>T=~+2x+2+2v-2x+2 =f(x) |

. A 2 . R— ’
Taco: f'(x}= - := > X=-——=T =2\/§
(x) J2x+2 J2-2x o1 ™

Cdu 16: Dapan D.
' Ggiz=x+yi,(x,ye]R)_ . ‘
Ta cé: sz4+3i|=3‘.‘:>|(x—;4)+(y+3)il=3<:>(x_—4)2+(y+3)2=9
Ta duoclf =%+ = 8x— 6y =16 =8(x—4)—6(y +3)+34
Tathé’y|8(x—4)—6(y+3)ls\/(82+62)[(x—4)2+(y+3)2]=
Ta duoc: 2 <|z| <|§).
Ciau 17: Pap anC. - _ .
Ta cé: |* -~22+5|=_|(z—l+2i)(z+3i—l)|<::>|(z—1)2+4l=|(g—l+2i)||(z+3i—-1)]

| | o [z-1r2i=0Q)
c|(z—1::-2i)(z-—1+2i)[=|(z-—1+2i)”(z,+3i—1)|@[IZ_I_ZiI=IZ(+)3i_I|_(2)
Tie ()= z=1-2i > w=—1|i=1. - o
Xeét (2). GQ1 z=x+yi
.K}udolz 1~ 2i|= ]z+31 1[<:.>|(x 1)+(y 2)1|—l(x l)+(y+3)[
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'fa duge (JC—I)2 +(y—~2)2 =(}c—1)2 4-(y~|-3)2 @y:-%

- . ! 2
Suy ra w=(x—2)+—;—i.:>|w|= (x-—2)2+[—) 2%)_1
Ciu18:DépanD. | 7
» Cach 1: Goiz = x+ yi, x, ¥ € R diém biéu dién s& phirczla M (x; y)
Goi F,(—4;0),#,(4,0), ta thdy:

ME, + ME, = J(x=4) +* +[(x+4) 4 =[z 4| +|z+4|=10
“Do d6 tap hop cac diém M thoa man didu kién|z—4|+|z+4|=1012 duong elip, véi
7 < LX) 2 9
20=10,b=va’ —b* =3. C6 phuong trinh—+-=1:> =-2~§(25—x2)
o 2 : 9 16 5
Cé T=|2.r[ =x'+y =2 +£(25-—x2)=2—x2+9

Vi M(x;y) thugc elip nén —5£x£0:9$T£25:>3_£|z]£5

> Cach 2 [~ 4|+|z+4|=\[(x—4) + 7 +J(x+4] +57 =10
Ap dgng bat ding thikc vecto, ta cé:

‘/(x_—4)2 +y ;If\_/(x+4)2 +y 2\/(;rc-i~4-!~Jc.—74)2+(y+y)2 =m

= x4y <257 <25

Ap dung bt ding thirc Cauchy ~ Swarz ta c6:

\kxf4)2 +y° +\Kx+4)_2 +y' < \/(1+1)((x—4)2 +Vyz—+(x+4)2 +y2)
;\ﬂzf 127 432) = +y? 20 [2]23

Cén 19 (Chuyén Lam Son Tharh Héa):Dép én A. - -

. < L _
o thl” ’ f(-1=<0 a-b 250 a<bi2 - a<b+2
eoglrfl ét, ta co f[%JS—gﬁ a b a+4b$12

5
22 0g-2
16 4 - 4

o ma 20- | | 12-
Khidéasb+2$124a+2:204a<:>as4.Véy|z[2=a2+b2sa2+_(T

_ Xéthémsc‘)' f'(a)=16a:e +(12—«a)2 =17a’ - 24a +144véi a 6[0;4], co f'(a)=0<:>a=%

Tinh céc gid tri £(0) =144, £(4) =320, f(EJ _ 2304

7 |= 7 swra r[rﬁ:]{=f(a)=320

' Vay gid tri 16n nhét ctia |7 1] =va® +0? =4 422 =245
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Chinh phuc dlem 8,9, 10 bai tap trac nghlem Glél txch

Cau30 DapanA
Dit z=a+hi,(a, beR) Do !z!<1nena +57<1.

[22—;[_]2a+(2b—])rl_ 4a’ +(2b +1)’

Ta ¢6: 4| =

vl [ 2hra | aobyea
4
Tachmgmmh_:f_ﬂ
(2- b) +a’ )
. 2 2
Thatvay,tacézw—zfm)sl@4a?+(zb+1)’s(zmb)%az@a2+b2.<.1
AU |
.Dau "=" xay ra khi va chikhia’ +5* =1. -

vay |4|<1
Ciu31: Dipdn A,

Ii(xl +yli)+‘E|=%©’iX1 ~y, +J2"’=_

1 o gim aE e s
= x,z +(y ~2)? s Suy ra tp hop cac diém M biéu dién z la dudng tron (C) 6
tam (0V2) va bén kinh R :%.
Khi d6 neu N 1a Chem bxeu dién ctia s8 phuc 73 thi viée t1m GTNN ciia- sz zzl 1a viéc
tim GTNN ctia MN. | , | o
Theo dé thx z, —.lZl = —yl'+x]i = N(—yl;x])lé\ diém bidu didn z;. Ta nhén thiy rd rang
OMON = Xpy + xiyi =0=/x? +y? . D& nhin thdy OM=ON=y/x? +y?
Ta ¢6 hinh vé sau:’ _ - ' o
- Do 'OMN 1 tam giac vuong can ta10nen . o y
MN =OM+2, do d6 @ MN nhé nhat thi OM
nho nhét. Dé thiy, OM nho nhadt khiM=M'
(M’ 1a giao diém ctta Ol véi dudng tron nhu

¥H

hinh v&). Ttic 1A 'M(O;\/__ —%] Khi d6:

i-ow=(fi-J) i1
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E S

*

‘Cau 32: Papan C.

Giasit x=a+bi(a,b e R). Tacd: M(a;b) va M(a;—b)

Khi dé: z(4+3i)=(4a~3b)+(3ag +4b)i.

Suy ra N (4a—-3b;3a+4b) va N'(4a—3b;-3a—3b)

Do 4 diém M, N, M’, N’ tao thanh hinh thang cdn nhén Ox lam truc d8i xtng nén 4

) a=-b
di¥m d6 14p thanh hinh chit nhdt <> MM' = NN' & 4b° = 4(3a+4b) o 8-
. - o= —-
, _ '3

Voi a=-b, tacb:

]z+4i.--5]=.\/(b+5')2+(,b+4)2 = (b+g)-+%2i
w12 \ . 9 9
Déau bang xay ra kl-n.a:a,b=—3

. 8 .
Voi a:—_g-, tacod:

=g (o5 vy < [ 02280, L

Vay min|z+4i—5|=—-\%

Chu 33: Papan B.

Bgt z=x+yi(x,yeR). Tact: [z =1 x>+ =l=x,ye[-11]

4 =\/2(1-t.~x)+3\/2(1—x) = MaxA = 210

Ciu 34: Pap an A.

Goi z=a+bi (a,beR)
Ta cél—z—sf%zl=|z—f|¢>|a—2-(b +3)i|=|a+(b-1)j]

e (a-2) +(6+3) =a* +{b-1) < a=2b+3

Ta can im zsao cho va* +b° dat gia trj nhé mhat.

g 6 9.9
Ta cé: a2+b2=(2b+3)2+b2=5(b+—] +2>2
L - : 5/ 55
Dodémin(\/az+b2).=\/§c>b-—-:é/\a=§:>z=i—§i.V;fay z=§-—éi.
5 5 5 55 55
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C}unh phuc dlem 8,9, 10 bai tdp tric nghlem Gidi tich

Ciu 35: DapanD
Gcnz X+ yi tacd z~2~3i= x+yz—2 —3i=x- 2+(y 3)i.

Theo gla thigt (x—2) _(y—_3) =1nen difm M bibu d1en

cho s8 phitc z nim trén dudmg tron tim 7(2;3) ban kinh
R=1. _ - _ -
Ta cd I2+1+:i|=|x—yi+1 ~}-i[‘=|.7c+1+(1—y)il=1/(x+1)2 47-(}';1)z .

Goi M(xy) va H(-L1)thi HM ={(x+1)’ +(y-1) .
Do M chay-trén dudng tron, H <8 dinh nén MH 16n nhatkhi M 13 giao clia HI véi-

ducmg tron.

x=2+3 : _
Phurong trinh Iﬂ:{ , giao cia HI vA dudng tron Gmg v6i ¢ thoa man: 9 +4¢° =1

y=3+x

B 1 3 2
&t =+t——=nén M(2+—;3+—], ( )
NE NERNE BV ERENT
Tinh d§ dai MH ta 18y két qua HM =13 +1.
Céiu 36: Dap an B.

<i+ <:>1—is1+
2|

i
<H+—
zl

' i 1 N g
Ta ¢6: 1— H<1+—. Mt khae |z|22<:>—1—s% suy 7a

T l
1

~<P s% Suy ra gié tri 16n nhat va gid t¢i nho nhat 12 %% Vay tong gid tri 1on nhdt

_<
z

1z

[

vA gié tri nho nhat ctia bidu thic P 13 2.
Cau 37: Pap an A. _
Do |z 1| >3 valz— 1[<5nen tap hop diém M I céc diém ndm ngodi du’(mg tron | (0 1)

‘R =3 vanim trong dudng tron I (I 0);R, =5 Ty

Dya vo hinfi vé ta chimg minh dugc OM, <|z|= OM < OM, f\\
Khi db z, =—2kz, =6=12 +222=—21+12 : ' Mex o
Ciu38:PipanA. - L ‘ ' Q‘ ”
> Cich 1:
- Re(z)1a phan thuc ctia s& phic z, Im(z) [a phiin 4o.ctta 58 phitc z, || =lezz Z=1

. _Datt__|z+_1|,taco.0—|z| ls|z+1]_]z[+1 2:>te[0,2:|
-2

e £=(1+2)1 +z)=1+2242+2=2+2Re(z) > Re(z) =

o [ —z+1]=|z2 —z+z.z|=|z]|z'—‘.l-:—z|=|1‘2 —3[

. Xétham s3: f(t)=t+[t* -
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1343

) Maxf(t)=g; Mnf(r):ﬁ:M.nzT
Ciau 39: Dap an C.

. 35|z—i]s|z]+1:>|z|22 '

: , )
~1) =9
» Dau “=" xay ra khi: “+(y-1) >z, =-2i
X+t =4

|z|—2J§s|z—2—2f|s5=>|z|55+2\/5

» D&u “=" xay ra khi: (x- )2 (JA2)2=25<:>z =4+5\5+[4+5‘E]i
2+ 33+20\/_ ’ , 2 2 .
|4+5J_ [4+5\/_}

Ciu 40: Pap an B.
» Céich1:

33

P-4x-3
2

jz 3= 4] =5 & (x= 3 + (y—4) =5 (x-3) {#4}'_5#@:)

© P=4x+2y+3=y=

f(x)=8(x-3)-8(P-4x-11)=0x=0,2P-1,6 = y=0,1P+1,7
Thay vao 7 (*) ta duoce: (0,2P—1,6—3)2+(0,1P+i,7—4)2—5=0<:>[£i?;
> Chch2: |
fe-3-4=V5 o (x=3)+(y-4) =5:(C)
(A) dx+2y+3-P=0
Tim P sao cho duong thing A va dwdng tron.(C) ¢ diém chung
©d{IA)<Ro[23- P]<10<:>l3<P<33 '
Vay MaxP= 33; MinP =13
w=33+13z:-|w1=m
Ciu4i:Dapan A.
Theo BDT Bunhiacopxki:
2+ P=|z_+51[+2|z-1'|s\/(12+22)(|z+1'|2 +[z-1) =J10(|z|2 +1) =25
Céu 42: Dép an .
» Cach1:
|z-2-4i=|r~2 < x4 =4
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Chinh phuc diém 8, 9, 10 bai tip trac nghlem G!él hch

I O

mm[zl=2\/§l Dau vt Xéy ra khi { +y= 4@{
. M . x—y

2 =w -—.2\[_2_--4:'-:» |w| =26

y=2

(x+y)
2

v Chia 3: Véi moi x, y la s thuc ta cb: x*+y° 2
Dau “=" xéy'rakhi x=y
lz-2-4i=|z-2i{ > y=4-x

lef=/x7 + ) =‘/x2 +(4-x)° =\/2(I—2)2 +822V2

mm]zl 2\/_ Diu “ ”xayrakhl{ +J2’=4c>{x=§:>w=2\/5—4i$[w[=2\/§

Céu 43. Pap an D.
» Céich1:

|z+i+l]=I;—2ilc>x-—j;=l

(_y) )

X +y -
|| =yx* +5 >\/7
v Chu y: mec;ux,ylasothtrctaco 4yizr——L

(x- y)

> Cach 2:

[z +i+1|= Iz 21]<:>y x— 1

lemm mF’ \(

Vay minlz| = —=
y min] | JE
Ciu 44: Pap an D. _
> Cach 1 -

Ta'ch |7 =1 zz=1

Dt e= fz + EI e[o2]=7 ﬁ,(? + ;)-('; +z)=7"+2z2+ T =242%47

|7 +32+3)=4

Fa +3:+;2|=]r2 +1|=t2 +1

.
w
A
[+ ]
1
.y
+
v
~—
oy,
s
RI=
"~
+
1w
[\
| wa

Vay rﬁinlf‘:% ; hiaxP =3 Khi 1 =2
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Gidi tich .

1 3

" Mickhic z,z,7, :E+?i© z1zzz3‘=1¢:>lz]|lzzllzal=1
. Su\;,'v ra P2.3. Diu “=" x4y ra khi |z1| = |22| =|23l= 1
Céu49: Pdp dn A.

- zfl_fﬁ. =1<:>|z—3|‘:|z—1+2il¢>x+y:1

. . . ' 2
P=16x"y" -8xy, Dijt t=xy:>0$ts(x;y] :%

P= 16f2—8t,f E[O;—;{l-ﬁ MaxP =0; MinP =~
Céu50: DapanD
% Ta cd |;I=1 = I-z|=1
& P=|1+rz|+|1+zrzl-+|1_+z3|=|1+z|+|—z”1+zzl+‘1+z3|2|1+z«—z(1+z2)+1+z3|:2
Ciu51: Dép 4n C. :
16z-i '
2+3iz
. (6z¥z)(6z 1) (2+Bzz)(2+3iz)<:>(6z~z)(6z+1) (2-1»312)(2—3:'2)

<le 62— <|2+3iz] = |6z -] <[2+3if

_éz.zs—clzl‘_s—@lz]gl :
- 9 9 3
Cau52: Pap 4n A
¢ [em2-3=10 (-2 +(y-3) =1 @)

-Dét P=]E+1+z‘|:>‘(3c+l)2-1»(‘1]'—'1)2 =P* () véi P>0

. 2
Lay (1)-(2) fa ducc Y= &%6—" Thay vao (1):

2 : . )
(x—2)2+(w;3] =1 5207 —(40+12P* )x+(P* — 4P +52)=0 ()

. -' - ) 2 2
~D&PT (¥ cb nghiémthi:A=(40+12Pz) ~4.52.(P*-4P +52)20
. [14- 2\/_3<P<\/14+2~f1_3 -

. Viy M—\/14+2 13, m=+14- 2 :>M2+m =28

CAu 53: Pap an B,

3 - 3
. [’z+1) ='za+ia+3(z+-1~J@zs+—1?=(z+lJ —3(z+1]
oz 2 z oz z _ z
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.. M-l-ﬁ:g
' 4

> Cich khic. |
Theo gia thiét, ta c6 z=cosx +isinx vakhidé
= f(cos3x +isin3x)+3(cosx +isinx )+ (cosx - isinx)l - Zlcqsx[' B

=’(cos3x+4cosx)+i(sin3x+ ?.sinx)l—Zjoqsx]- '

= \/(cos 3x+ 4cosx)2 +(sin3x+ 2sin x)2 -2|cos xl

= \/(4"053 x+ cosx)2 +sin” x{4cos’x + 1)1 ~2|cos x| =4cos?x +1— 2]c65x|

=4]cosx|2—2,(:05::]-i-—}—-kg:(izfc‘,osxl—lJ-+223zm=E

33 2) T4°% 4

T ' 2 2 _ )
Mit khac, P;(Z]cosx[—lJ +3£[2—1J-+—?1=3:>M=3:>.11v!'+_n=E
2 4 2 4 " 4

Cau 45: Pap 4n C.
> Dang téng quét: Cho sé’phl'rc z théa man lz_]z - Zzl =r. Tinh Min, Max cia [z —-23'.
;Min=

Ta cd Max -z,

Z

Pl
~3J_1

» Ap dung cong thl.'rc trén véi, z, = Y ;2, —1+\/_1 z,=3+3i;r = \/— ta duoc_
' 1+2v2i

z1 [z

Max =6;Min=4
Cau 46: Pap in B. A ‘
* Dang tdng quét:,z_'1z + zzl + Izlz"—',zzl =k v6iz =a+bi;z, =c+di;z=x+yi

- — _ o
o Ta Cé:, Minlz]=—-——“k'4‘22‘ va nglzl=_k_.

2|z ,zl|
2-—-
~-Vm=-4 42‘/5 -
e ADCT trén ta c6: z;=Lz,=Lk=4> 2.
M:%:‘z

Ciu 47: Dip 4n B. . .
{m=J5

N z, =12, =—2——k 1=
1- M=2

i

Cau 48: Bap an C.

e Ap dung BDT Cé—éi, tacé: P2 é%”z1 !2 .[zz'2 .[23 [2 7
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1
2+

<2
7

(o2

3

. = L=

[é%f‘%“ﬂ |
o3 ot

3

1
z+—
z

« Mit khac: z+— =3

z

lSZ,dét t=
b4

» Suy ra: -3|z+ >0, ta duoc:

1
zZ+=
Z

-1
=
z

:5+1 <Z2=>M=2

e P-3t-220e(1-2)(1+1) <0=t<2>
Z

Ciu 54: D4p 4n B.

< _Zz|2 +‘22 _Z-3|2 '*'IZ:*;“Zil2 =(z1 ”22)(21 —22)+(zz _Zs)(zz —Z3)+(_Z3 —Zl)(z3 _.Zl)

=9—(z, +z, +z3)(Z+Z+g)=9—|z‘ -|~-z2 '+'z_,‘|2

0
L

* Theo BDT Cauchy- Schwarz:
P> : 2 >- 2 = d
. |Z.—22||7-1 _23i+lzz "'Z-j”zz_z3|+|zz#21”22“231 |z,mzz|2+|zz—z_,.|2+|za—z1|2 9—|z1 +zz+232

i Dodc’): P2§=1 (do |ZL+22+23|220)

Ciu 55: Pap an A.

- Chudn héa Iz[.s 1 ::»[

2-i
41

¢ z=1=P= 1dodoloaLBC

* z=0=P= > =—dodoloa1D chon dap an A. .

Caus6:PapanC,
o |z+1+4= |22+z 5— 3:!<:>J (x

| .-Psz ¥ =\y+(y- ‘J-—+—\/—

y= 4+46 3.
Z= +El

y 2

: 3

. Dau i ”xayrak]:u 2

R L G
 Caus7:PépanC.

o 2 2 R 2 2 a3
. [gj+;2| +|zzfr‘,233_‘ Hlzyrz| =] Ha| ] Hz 2, 4z, =3
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Chinh phyc diém 8, 9, 10 bai tip tric nghlem Giai tich

. Theo BDT Bunhlac0pxk1 tacé:

P=|z, +z ]+2|z +2,|+ 2|z, +z’ J1+22+22)(|z rz,f +|z +z' +|z rz[ ):—3:2ﬁ
Céu 58: Pap an A. o '
o p-=V2 e (x-1) 4P =2 |
. -P= xz+(y+1)2+‘/(2—_x)2,+(1‘—y)2 “ga\/x+2—x)2+(y+1+1—y)? =2\E

2 3 2 bunhinmp..\'ki 2 *
o P=x*+(y+1) +\{(2—x) +(I-y) < JZ.Z[(x—l) +y2+2]=4
o [u]=|g+242i =26
Cau 59: Pap an A. .
* Taco: |21'+22|£.1;J§=Izt_ZZISIZII’LIZ |
. |z,+z |2+|z -z |2=2(Iz [2+Izz|2.)'::>2=[z| Izl >(|z| IZ l) = 3<|z| lz |<2
. P= 4(IZ| +J=f )-8+ l)+5>(l2|+lZ - (IZ!+IZ [)+5
o Xéthamss: f(t)=t -3t +5, te[V3; 2] f(t) 3 -3= 0@[:_:
* Dodé minf (t)=3= minP =3
. D&u =" ' xay ra khi Iz [+|22l¥i
BAl TOAN sU DUNG KY THUAT CHUAN HOA
PHUGNG PHAP CHUAN HOA 'l'RONG sO PHUC
Cﬁﬁ 1: Cho s phic z;,a+bi #0 sao cho z khéng phai 71%2\ ‘56’ thuc .vé W= la s8
| o A
thye. Tinh -
e S
1 Bi i .C'l 7_._'_"D 1
"2a+1 a+2 T 3a+2 2a+2

- Ciu 2: Cho hai s6 pht:rc z,w khac 0 va thoa man |z wl 2|zl lw[ Goi a, b Tan lugt 1a
phantht_xcvaphanaocuasophuc u="Tirh 2 +b*=7 " .
. w-

Al .. B.= - C.

‘(:o‘].-a'
O
‘ [Ny
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Cén & Cho hai s6 phiec z,w khéc 0 va théa man |z—w]|=5|z|=|uw| . Goi a, b Tan luot I

phin thire vA phiin 4o ciia s§ phiic #=zw. Tinh a° +b =?

A~ B. — c L D. L
50 25 100 10
Ciu 4: Choz,, 2;,z, 1 cc s§ phitc thoa mén|z,|=|z,| =|z,|=1. Khing dinh ndo sau déy
1a ding? _ :
Az, vz, 2| =|z 2, + 2,2, + 2,7 B. |5, +2, +2,|> |2,z + 2,2, + z,7)|
C. IzI +2Z, + z3| < Iz,z2 +2z,2,+2,2) | - D Iz] +2Z,+2, l # [ztz2 +2,Z, + zazl|

Céu 5: Cho ba s§ phitc z,,2,,2, thoa mén |z,|=[z,|=|z,|=1va 7, +2,+2,=0. Tinh gia tzj
' cia bidu thite P=22 +22 +22. 3
‘A0 B. -1 i D. 2

Cau 6: Cho céc 8 phitc z,z,,z, thoa mén dbng thoi hai digu Kién [z, =|z,] =|z,| =199 va

)%, + 2,2, + 2,52,

z]+zz+z3;f0.-Ti’_nh P=

ztz,tz,
A. P=1999 B. P=1999" C.P=999,5 D. P=5997

Ciau 7: Cho céc s8 phitc a4,b,c,zthéa az’ +bz+c=0(a#0). Goi z, va z, T3n luot 13 hai
nghi¢m ctia phwrong trinh bac hai da cho. Tinh gia tri cha biéu thirc:

' P=lz, + z'zr +lz, -2, - 2[lz- =, ]]2

c

a

c

B.P= C.P=4 D p=Ll

.5-

A P=2

<

a a a

) P ~ RN Y s . 1 . o . X . 5 N P

Céu 8: Néu z khdng phai la s thuc ddng thoi ﬂ—~ c6 phan thure bang 4 thi mddun clia
_ Lo : 2.z

zla?

Al . B c. L D. L.
- 8 . & 12 ) 16
o NI Tt o gl RN s ‘ NP z,+12,
Ciu 9: Néu hai s6 thic z,,z, thdéa man Iz]| =Izz|;l va z,.z, #-1 this0 phitc w=

. 1+2z,
cd ph‘én 4o bing? : , : '
A0 B. -1 - C.1 " D.Lémhon 1
Céu 10: Cho 58 phic z=a+bi (a,beR) thoa mén ditu kién | +4=2}4. Dat P=8{F -2)-12.
Ménh d& nio sau day ding? _ )
A P=(jd-2)" - B.P=(jz]-4) C.P= (|z|2 - 2)2 D.P= (|z[2 - 4)2
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Chinh phuc diém 8, 9,10 bai tip. trac ngh.tem Giai tich

Ciu 26: Cho s0 phuc w va hai 58 thuc a, b Biét rang w+i va 2w 114 ha1 nghxem ctia
. phuong trinh z* +az+b=0. Tinh 2a+9% =7 _
B.5 B. 3 C.9 " D.11
'Cau 27: Cho hai 55 phirc 2,2, thoa man 2, +z,=8+6i va |z, —z,)|=2. Tinh gié tri lén
nht cita bidu thike P=lz[+|z,]. | a
Pw¥5+3\/5_> - B.P,_ =22 CP_=4J6 ~ D.P, ='34+3\/—
22

Céu 28: Cho 3 s§ phc z,,2,,2, thoa mén z,+ 7, +z, =0va 'ZII—IZZI_IZJI“'T Menhd‘é

nao dudi day duing?

A lg +zf +z + [ +]z, + 2] =i, B. |z, +2,[ +|z, +2 +lz, +£||2.=.g
C. |z +.'22.|2 +]zz-+ z[ .*_‘_!zs +_z,| = 242 - Dz +7_22|_2 He, + 2, ]z, + g =1

Cau 29: Cho 2 58 phitcz,, z, théa man |z,|=

+2,|=3. Tirh |2, =z
Al : B.2 B C3 D4
Cau 30: Cho hai s§ phitc 'z, v z, théa mian |7|=3fz,|=4z, - zzl-r Xét s6 phurc

=——a+b Tim Ib[

Al 2 -2 cpl=l op-B

Cau 31: Cho hai s§ phitc z, va z, théa man |z,| —'3 [22[— 4, ]z, —-z2] V37 . Xét s§ phirc -

2=z—-a+bz Tim |a|

Z;
3J_ ' 39 3 ' B
Ald= 13.|a|=T Cla=35 D_Ia[__u_? |
- Ciu 32: (_Z_ho 2,,Z, 14 cic s8 phizc théa man [z,|£[22|=lvé ]z, -fzzl=\/§. Tmh P= %Zu .;%7_2'
Ap=1 BP=0 . CpP=1 D.P:-‘E
s : : 9 : 3

' Ciu 33: Cho s6 phitc z thoa man']z ~3-4il=5 . GoiM vam ran Tugt 1a gi4 tri 16 nhét
va gi tri nho nht cta biéu thic P=|z+2] -|z—if’. Tinh médun cia s8 phitc
‘w=_M-|_-'mi_""' . . | -

AM=25T  BW=2508  C W=V D =337
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Ciu 34: Cho s8 phitc w, biét ring z, = w—2i va 2, =2w—413 hai nghiém ciia phwong
thnh z¥ +az+b=0 v_éia,blé cac 0 thue. Tinh T=|Zl|+|zz|. |

N =£ B_ng | CT=s D_T:g

THPT CHUYEN LE QUY DON - NINH THUAN

Z,+2Z,+2, =0

Meénh d@ ndo dwdi day
}Zl |=| Z, ’=l Zy I= 1 -

Ciu 35: Cho ba s8 phic z,7,,2z, thoa man {

dung'?
Az +25+2) = z,2, 42,2, + 2,2, | B.|Z +2; +Z; Pl 7,2z, + 2,2, + 2,7, |
Clz +Z +2; |4 2,2, + 2,2, + 2,2, | D35z +25 42, || 2,2, + 2,2, + 2,7 |

Ciu 36: Cho ba s8 phiic z,, z,, z, thda mén z, +2z,+2, =0 va |z|=|z,| =|z|=1. Ménh d&
nao durdi day diang? . _
A, |212 +zl + zazl =lzz, 42,7, + 2,2, B. |z,2 +22 232| < |22, + 2,2, + 2,2 |-
C. 112 + z§'+zzl > lz,z2 +2z,2, +é.z - D. |zlZ +z+ zf| #|z,2, + 2,2, + zsz,|.

Cau 37: Cho ba s§ phitic z.Z,.2, thda min |z|=|z,|=|z]=1vaz thtz= 0. Tinh
A=z +z, + 2.
AA=1+i - B.A=0 . Cd=-1 . D.4=1

Ciu 38: Cho 3 diém 4, B, C I3n luot biéu dién cho cic s8 phitc 2,,2,, 2. Bidt |z =|z,| =|z,|
va z,+z, = 0. Khi d¢ tam giac ABC la tam giac gi?
A.Tam gide ABC vudng tai C. B.Tam giac ABC déu.
C.Tam giac ABC vudng cin tai C. D.Tam gidc ABC can tai C.

Céu 39: Tinh tich médun cita tt & cac s§ phiec z théa man [2z~1|=[z+1+i|, dong thoi

" difm bifu didn clia z trén mit phing toa d6 thudc dudng trdn cé tam 1{L;1} va bén
kinh R=+5. ,
Al T B3 C.f5. D.3.

‘Ciu 40: Xét ba difm A, B, C theo thit ty trong mit phing phtrc bi€u dién ba s§ phic

. phan biétz,,2,,z, thoa mén |z,| ='z2 =|z,|. Biét z.+2,+2 =0, khi d6 tam gidc ABC cd
tinh chat gi? ' ,
O ATh © B.Vudng C.Cén D. Déu

Ciw 41: Cho hai 58 thyc b va c(c>0). Ki hiéu A, B 12 hai difm ciia mét phéng phire biéu
difn hai nghiém phite ciia phuong trinh z* +2bz+¢ =0. Tim digu kién ciia b va ¢ d&
tam gidc OAB la tam gidc vudng (O 12 gbc toa do)

AR =2 _ B.c=2¥’ Cbh=c D.F =¢
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Chinh phuc diém 8, 9, 10 bai tap tric nghlem Gidi tich

Ciu 42; Cho hai s8 thuc bvac (c >0). Ki hleu A, B 13 hai difm ctia tit phas-
dién hai nghiém phttc ctia phwong trinh z? + 2bz + 2¢ = 0. Tim didu klen <.
‘tam gidc OAB la tam giac vudng (O 1a géc toa d6) _ S :
AR =2c B.c=2b’ Ch=c : Dbz._c_
Ciu 43: Cho H 1a hinh bi¢u dlen tap hop cac 8 phiic z trong mit phang toa e

@)
cho |2z 32[ <5va s6 phirc z 6 phan 40 khéng am. Tinh dién tlc:h hinh H. 4
A2 37 ' ' B.37 c2 o7 D.5x
LSI GIAI VA DAP AN
Cau 1: Dap an A.

Chudn héa: Viw 13 s8 thucnén tachonw =1 =

1 -
1+faf 2441 1+|0 662440, 5623z| 20,6624 +1

Cau 2; Déip anD. : .

Chu#n héa: w =1. Theo d&, ta c6:

]“z 1] 2[2, _1)2 vyt = 4(x2‘+y2)

[-1]=1 (x 1) +y2=1

— =.1,_—_>Zz0,6624+015623i |
. - ‘

Suy ra-

:>1_=4(::c?+y2):.'>yz =%—x2__ _

\ \ ) T S -, \
Thay vao phuo*ng trinh 2 ta duegc (x—l) +Z—-x =1, Dung chu'c nagg dor ny ghiém
| 1
SHIFTSOLVEtadodu*orc x—%:hr_\[l—Saz—l+£ == 1+£i

8 8 8 8
- Ciu3: Pap 4n B. '

: ' ~1= —) A= 25( 2 42
Chudn héa: w=1. Theo d3, ta cé: Iz -1’ S’Zl@ (x )2+y (x Y )
- |z—1|=1 (x-1)+y?=1"

1

3\/_ u——-+-£ =Y +b2

. 50" 50 50 50

Ciu 4: Pap én A. : . ' o
Chuanhoaz —zz =—i,z,=1 "

Cau 5: Dgp an A.

<:>'z——+

1

Chuin héa: z, =%+~—2"-3-i,z2 =§-7i,z3=-—1 Suyra P=0 - - - .
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Ciu 6: Dap an A. . _
Chudn héa: z, =1999;z, = -1999;z, = 1+iv1999? 1 suy ra P =1999
Ciu 7: Pép 4n C. '

) . S z]=—1+_3f .
Chusn héa: a=b=c=1= 2 2 _,p—4.Dép4anCthéaman P=4
T 1 43, o
2= 575t
2 2

Ciu 8 Pap an A.
» Thix dap 4n:
> Dap an A: :
_ﬁ,dodé z=li—J}_Zi )
72 9 72

Vi z|= %, chon'x=g—:>'y= +

Thay z véo ta duqc|—ll—— =4+44/17i (thda yéu chu d bai c6 phian thyee bing 4)
: . |22z

Ciu 9: Pap an A.

PRI Lo i+l
Chudn héa: z, =1; z,=1 do dd w=——
' - 1+11

=1 = phin 40 clia w bing 0
Ciu10:DépanC. '
Ta cé: |z2 +4| = 2|z| & (az - +4)2 +4a°p = 4(:12 +b2)

a=1 _ :
Jg.Thaya,bvéo

Chgﬁ b_=0:>(a2+4)2 =4g = a=1+iV3 suy ra z=1+i\/§:>{

P taduge P=4 . *

Thay z=1+ i«,/g vao dap 4n C ta duoc két qué 1a 4.
Cau 11: Pap an D.
Chufin héa: 2, =1 24— = —— =2, =0,5+0,5i

z, 2z,+1

- 1 |, |-0.5+0,5i_3v2
Clm0,5+0,5] | 1 | 2
Ciu12:PipanC.

. Chufn héa: Viw i ssthucﬁéntachonw=1:>‘l 2 _—1=2=0,5+0,5v3i
e o ' ‘ +z
. psros
Suy ra — == - =
S 1+fe 14 0,5+0,5J§1’] 2
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 Chinh phyc diém 8,9, 10 bai t3p tric nghiém Gidi tich
Ciu 13: Pap 4n A. ' .
1. 3. _
ansa 1272 Lol
- Chuin héa: =P=-1
R 1 Jg = :
Z, = ——t+—i
.22
Ciul4:PapanC. - ,
Chudin héa cho z1 = 2017, z2 = 2017 . Ta duge dép 4n C
Ciu 15: Pap an B. - '
Chufin héa z, ;-1-+£i,'zz =—1-—--‘E’-_i,z3 =1Suyra P=0
o 2 277 2 27 0T
"+ Ciu16: Ddp 4n B,
Chué’nhéa z, =1,z,=~1,2,=1. Suyra P=1
Cau17:Dép an D. ,
> Chuan héa: w=1. Theo d‘é ta co:

~T=2 _1 =4 23,
{Iz =2f]  J-2) v (< +77)
[z~1|= x=-1) +y* =1
y

Ciu 18: Dép 4n D, I
. : 31 3

Layv.i du z;, =1Lz, =—%+1-——\£—:,z3 =—5—;§
Céu'19: Dap ianD. -
| 3

2

Ji

Layvidu z, =1,z, = —5+1 2 yEy=—

L
2
Cau 20: Pap an B.

Chimg minh cdng thiec:
v ’z +22[ +|22+23[ +[zJ+z!| —IZ:I +|22l +|23] +|z]+zz+23|

* Ta o6 Izl —ZZvaz +2,+..+2Z, =2 +2Z, .. +z Apdunghnhchatnaytacovetral:

=(zfzz)(_z, ‘+g:2_)+(z +z3)(zz+z3) (z +z )(z +z)

'=ZZ +Z Zz+2323+22 +2Z,2,+2,2,+2,2 +ZZZ +z,z 3+Z Z +ZZ +ZZ

lzl +|Zz| +[z3| +z (z +zz+za)+z2(z +z, +z) (z +zz+z)
=|z!| '!'IZZI _+|zal +(z]+zz+za)(z,+;2fza) o

_ 2 2 2 N . 2
=lz| +|z| +lz +|z, +2, + 2,
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Ci 21: Dép 4n B.
Chu'ng minh céngthe:
v latzf +ln +af s+l =] 2+z,2+[zj|2+]z,+zz+zj|z

% Tacd: IZ] —ZZvaz +Z, .42, =2 42, +z Apdxmgﬂnhchatnaytacovetrm

=(z, + zz_)(Z+Z)+(z2 + za)(g;a- Z) +(z,+2 )(Z+Z)

B2 hZyZ, 4 T A LT LT K22, D2y F 2y K2y 2%y Y52 T2,

=|z| |22| +|23| +2z (z1 +z2+23)+z (z +z, +23)-1-213(Z] Tzz+23)
=lz[ +|z2[ [ +( zl+z2+zs)(z1+zz+z3)

2 2 2 ' R,
-—|z1| +_|zzl +|z3| +,_|z1+zz+L3| =3

Ciu 22: D4p én B. | o
( )IZ| ZJ—’L‘/_H‘/_‘E’( —/5i 2| - 3i(1- V57 } = J_
@(1._\/§f)(|z|_\/§f)=2_*fz:@|1_Jgi||,z[_@i|z_

o flf +3 =202 < 6(ef +3) of ~242=0 5 [e|=>2

W

Ciu 23: Dép an B,

o Ditz=x+yi, 2z—i|=[2+iz| = x* +y* =1 I

. l : A
< Goi'A, B 12 hai diém bifu dién z,,z, . ' K RN
S P, RN Y
“Tacd |z, -7|=|0A-OB|=[aB|=1 R —
4 Suy ra AB=0A=0B hay tam gisc OAB déu. \J

3

7.-:' P.-—-[zl. +z2|'=lla+@|=l2W]=

Ciu24. DapanB.

Dz‘_it z=x+yi tacd |22~i|=|é+iz[:>x2+y2 =1?>|21I=|22|_=1

Ta c6 12z, +3z, |1 +.|221 —-322|2 = 2(4|é, |2 +9]z, 2):>|221 +32,|=5.
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Chinh phuc diém 8, 9, 10 bai tip tric nghlem Gidi tich

Céu 25: Papan C,

Sw+i-l=-a 1-i-a .)(2-2i-2
% Theo dinh ly'* Viet ta co: ::> A1 =b

: : (w+i)(2w-1)= 3
: : | 247 a. 1_ :
2° a1 1) (2 4 s ot3=t 4772

=3 ——4= |~ Za+=i=be o 13=>a+b=—=
9 9 3/ 19 9 2 . 4_ p=22
9 9

Ciu 26: Dép 4n C.

Qo | =~
1
3
TN
N
[
@|F
N
=
o
T
N
1]
=

Jw+i~-l=-a 1-i-g
- % Theo dinh ly Viet, ta cd: ) )

(w+i)(2w-1 =
o428 a1
' ' ———+==b |a=-2
@(z—az—g+1)—[ga+é]i:~b<:> 279 3 o 13 =2a+9=9
9 9 3 9 9 2 4 b=— _
. -9—a+—9—=0 ]
Ciu 27: Dap 4n B. _ 7 .
+ Tach: z, +z, =8+6i = |z, +2,}]=10 ' S
* z1+.zz|:-’+lzr“zzlz=2(l?1lz;lzzlz):52=lz' |Zl >w
=z +fz, < 25_=_2JEE;
Cau 28: Dép &n B. '
: N
|2+ 2, +|Zz+23| +z, +2] —|z| +|z.f "’IZSI +|zl+zz+zsl =3

Caun 29: Dap anA.
Goi M, N K Tan luot 1a cac diém bidu dlen s6 phic z,,z,,(zl +zz) trong mat phang
phutc. : - ‘

s AOMK cin tai Mova KMO=120° = AOMN 1 tam gidc deu' =z, -z,

Ciu 30: Pap inA. | ‘
bit z, =x+ i, zz—c+dz(x,y,c deR) Ta co: |z,|~3:>x +y'=9
|z2|_4:>c +d’ =16 '

g -a|= \/_:>(x c) +(y- d) =37 +y + et v d = 2xc— 2yd 37 xct+yd=—6
. x+y1=(x+yz)(c dz)= c,+yd+(yc xd}i xd+yd+yc xd

Laicé: -L= . : ;
7, c+di E+d® ¢ +d? Tid 2vdl

=MN =1

a+b1

L3
8
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5 _Z__ |21| '__/ 2 2 2 9 _ _EJZ_.%Z = ﬁ
Ma |22| =o' +b gt +h = 6 =p v [ 3 —64:>b—i 3
3\/_
ay: o=
Céu 31: Dap an C. :

Dit z, = x+ i, z,=c+di(x,y,c,deR).T-aco’: |z|=3=x"+)" =9
|lz,|=4 = +d* =16 _
|, z,|—\/_:>(x ) +(y-d) -“37<::>1 4wyl 4ct +d ~2xe—2yd = 3T <= xc+yd=-6

Laicé-i—x"*'yl—(ﬁ}")( —di) _xc+yd+{yc—xd)i _ xd+yd yc xd

i=a+bi

=—§+bi'
g o

- 16 16 \8) 64 " 8

2 .

l=%= a2+_b2<:>a2+b3=i:>bz=i—(—§] =2 b i3‘/;
Ib|=

(Céu 32: DapanA.

Stz dung cdng thirc quen thuéc |z, +z,

-2, =2+l ) )

o, =lz,|=1 . '
-Ap dung () véi {||Z'! _’Z"\E:>|z.+zz|'=2(13+12)‘(~/§)2=1:>lz,+z2=1|
Z,—Z,|=
| 1 1, . 1 z, +Z 1
MatkhacP Ez,+3z, 3(ZI+Z%)=§-|31+22|'=I.' 2I=5

. Céu 33: Dap an C.
Dit z=x+yi. Tacod P = (x+2) +y° [ +(y —1)2]=4x+2y+3- _
Mt khac: |z-3- 41|_J_c>(x 3) +({y- 4) =5 x=3+/5sint;y = 4++/5cost

Suy ra: P= 4\/§smt+2~f§cost+23

| 10<45sint+2v5 cost <10. Do d6 13 <P <33 = |w| V1258
Céu 34: Dapan A.

bit w =X+ yi. Theo dinh li Viet ta cé: z, +z, ='—a=3w—2i—4=(3x—4)+(3y—2)i

N . 4. "
14 58 thyc nén y;‘%. Laico 2,2, = b=[x+§1ﬁ21)(2x+51—4) 1& 8 thye.

4. 1) o o
-Suy ra (X—EIJ(2X—4+§}J=x(2x—4)fg1(x—4)+% Ia s6 thgcsuy ra x = 4

810

: , 4 '
Do dé z, =4'+-Zi—2i=4——i;z2 :4+ii:>T:
.3 3 3 3
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Chinh phuc dlem 8 9, 10 bai tip tric nghiém Giai l‘l(.'h

_ THPT CHUYEN LE QUY BON - NINH THUAN
‘Cidu 35: Pap an A.
Taco i
(z] +2, +z,)Y =z +z2 +Z, +2z2, +z z3 +zjz,)::>zl +2z2 +z3 = 2(2 Zy + 2,2, + 2,7 )
Mit khée |z, |= 1= z; =1<:>-z,.z, =1, tuong ty 2,2, =_1,z,.z3 =1 nén;
N |
Z, z, Zy
Khi do
z,+z,+z} =—22,2223( ! +_1_+-1_J=—2z, 2,2,(z, + 2, +2;) =—2£fzzz,(zl +Z,+2,)=0
- zZ, 'z, -
Viy |z +2) +2; |9 2,2, + 2,2, + 2,2, | .
Cau 36: Dap 4n A.
Do z+2,+2,=0 va |le —Izzl —]23| =Inén céc diém bleu dlen cta 2, 2y, z3 trén mat
phang toa dd Oxy la A,B,C déu thudc dudng tron don vi va A_BC tap thanh tam
gidc déu. |
Do cac phép todn cong va nhén s phiic phu thudc vao vij tri tuong d6i ctia cac diém

bleudlennentacothecho z,=1,z, -.——1—+J_ i, z:,:—-!-'—w\/:ii.’
2 2 7202

’I'hay vao ta dugc lz, +z; + 22 | =0va ]zlz2 +2,2, +zsz,| =

Ciu 37: Dap an B.
= =1 = 1 . -
Do [z]|=|z2-|=|z3l;lnenz, =—;z, =—;z, =—. T d6:-
: I AN z y
i — — 111 Zz, 4z, 4zz
0=0=z+z,+z,=z,+z,+z, =—+—+—=02 =23 57 .
' 4z oz 22,2,

Sﬁy ra:zz, -Vf-zzz3 +2zz,=0. Do dé:

A=z +z7 -+z3 (zl +z, +z3) -2(zz2, + z,2, +zsz,) 0

- Cau 38: Dap anA.
Gia stt |z} =|z,| = |z;| = R. Khi 6 A;B, Crdm trén duong
tron tam 0(0;0) ban kinh R. Do z+2,=0 nén hai

- diém A vi B déi ximg nhau qua O. Nhu vy diém C
nim trén duong tron dl.rcmg kmh AB hay tam gIac ABC
vubngtaiC.

™
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Cau39:PapanC.
Dit z= x+y1(x y e R}. Khi dé: |2z—1|mlz+l+11©|2x—]+2y1|—]x+l+(l—y)|
< (2x-1) +4y? =(x+1) +(1—y) < 3x*+3y° —6x+2y-1=0(1)
Ma diém bigu didn M, € (C):(x-1)’ +(y-1)' =5 (2)

=0;y=-1

= lll= 5

Tie (1), (2) suy ra: {x
X
Cau 20: Pap 4n D.

Ta sé chira |zl —zz| =|z2 '—z3|=|zl -

Tact |o + 2| +He -z =2(jaf +af ) la-zf =3l
Lam tuong ty ta cd didu phai chwimg minh, khi d6 A4BC 1a tam giac déu.

Ciu41: Pap 4n B. :
Phwong tinhz* +2bz+¢ =0 c6 hai nghiém phitenén A'=5" —¢ <0
Véi didu kién 5 —c <0, phuong trinh 6 2 nghiém z, =—b—/A = -b—ive-b" va
2y =b+ VA =—b+ie—b ' ‘
AOAB cb O(();O);A(—b;—v‘c.—b2 };B(—b;\u‘c—bz)

Sty ra0A = OB =/b* +c— b’ ;JE;AB:’ZJc—bZ
Do AOAB cintai O nén gia st AOAB thi vudng tai O, suy ra:
AB=0A2 = 2e—b =2c & dc -85 =2¢ © 2 =48 S c =20’

 Cau42: Pap 4n D.

Phuong trinh z* + 2bz + 2c 0’ c6 hai nghiém phitc nén A'= 5> —2¢ <0 )
V6i didu kién &° —2¢ < 0, phuong trinh ¢6 2 nghiém z, = —b - JAT = b —iN2e -0 va

z, = b+ A = —b+iN2e -
" AOAB céO(O;O);ﬁ(—b;f 2(}—b2);3(—b;x/2c—b2)
Suy 1a OA = OB =+/b +2c—b* =~2¢; AB = 2\2c - b
Do AOAR can tai O nén gia sit AOAB thi vudng tai O, suy ra:

AB=0M2 & 22— =\hc o 8c— b =4c & de 40’ @ c= b’
Cau 43: Pép én A.

- z
' 'Goi z=x+yi(x,y e R). Tix gia thiét suy ra%+y2=l,y20.IG’tido'Hlémcf)tniracﬁa
. - | N N 5 xz.
hinh elip cé truc Ién bang 10, truc bé bang 2 va s, =2_[ I—de=5r:
. . 0 '
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Chinh phyc diém 8, 9, 10 bai tip tréc ,n;gh_.iem Gjéj tich
Phin7: |
CAC BAI TOAN XAC SUAT LUYEN TAP
NANG CAO

Céu 1: BQI t-uyen hoc sinh gidi ”thay Quang’ gbm 18 em, trong d6 ¢d 7 hoc-sinh khéi 12,
6 hoe sinh kh6i 11 va 5 hoc sinh khéi 10. Hoi ¢4 bao nhiéu cach cit 8 hoc sinh trong ddi
di thi qudc gia sao cho m&i khdi cé it nhat mét em duge chon? _
A48118 - B.41181 C.41811 - Du41818
. Ciu 2: DI tuy@n hoc sinh gidi ciia mdt trwdng gdm 13 em, trong d6 ¢d 5 hoc sinh khéi
12, 4 hoc sinth khéi 11 va 4 hoc sinh khéi 10. Héi ¢6 bao nhiéu cach cfz 5 hoc sinh trong
d6i di du trai hé sao cho mbi khdi cé it nhit mét em duwge chon? =~
A979 B.909 . C1049 ' . D119
- Chuz: Lép Toan 11 thay Quang <6 36 hoc sinh nam va nix bang nhau, ¢in chon ra mdtdoi
gbm 4 hoc sinh d& duw thl qudc gia. Biét ring xéc suét d€ trong 4 hoc sinh dwoc choncd

ding 3 hoe sinh nam 4 E Hiay tinh s8 hoc sinh ctia “Lop Todn 11 thay Quang’

A8 7 B9 . cao o D1

Céu 4: Mt day phé ¢d 5 cira hang ban quir do. C3 5 ngudt khich dén mua quin 4o, mdi
ngudi khich vio ngdu nhién mdt trong ndm clra hang d4.Tinh xac suat d€ co it nhat
mét cira hang cé nhiéu hon 2 ngucu khachvao. . B ‘

36 32 clst .2
125 125 625 125

Ciu 5 Hung va Hoang ciing tham gia ki thi THPT Quéc gia, trong d6 ¢6 hai mén tric
nghiém la V4t li va Héa hoc. D& thi ciia mdi mén gém 6 ma khac nhau va cac médn khac
nhau ¢6 ma khac nhau.D? thi dugc sp x&p va phét cho thi sinh mdt céch ngAu nhién.
Tinh xac suét dé€ trong hai mén thi d6 Hung va Hoang ¢6 chung ding mot ma dé thi.
AL sl c> : D=

9 S 13 ®’ 36

Ciu 6: i admin ctia *hoc sinh thiy Quang’ gém 4 admin 1ép 124, 3 admin 16p 12B va 2
admin I¢p 12C. Chon nghu nhién 5 ban tit d3i admin d& chira & THPT Qudc gia nim
2017.Tinh xac sudt sa0 cho 16p nao cung c6 admin dugc chon va ¢6 it nhit 2 admin
lép 12A. : : . : :
a2 g3 o cl. D
21 g ' 7 .- : 3 - 21

Cau 7: DOi co do clia mét trieomg pho thong c6 12 hoc sirth gm 5 hoc sinh 1ép A, 4 hoc
sinh 16p B va 3 hoc smh 16p C. Chon’ ngau nhién 4 hoc sinh di IAm nhiém vu. Tinh xac

suft dé& trong 4 hoc smh dugc chon khéng qua 2 trong 3 16p trén,
3100 o |
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Al . B2 cd Y
| 11 33 33
Cau 8: Mot nhém gom 6 hoc sinh c6 tén khac nhau, trong dé ¢d hai hoc sinh tén 1la Minh
va Lam, X&p nghu nhién nhém hoc sinh @6 thanh mét hang doc.Tinh xac sudt sao cho
hai hoc sinh Minh va Lam diing canh nhau.
A B~ c+ D. -
3 6 4 : 12

Cau 9: D& chufn bi cho 12 ki niém 50 nim thanh 1ip truong, nha triedng can chon 20 hoc

sinh nit d& t1ep d6n dai bidu d&n tham dy. 58 hoc sinh nay dwoc 18y ngau nhién theo
danh sach tix 15 hoc sinh nit ctia 16p 11A va 22 hoc sinh nit cia 1op 11B. Tinth xéc sudt
d& mbi lcp 6 it nh#t 9 hoc sinh duwoc chon.

AQ, 222 B.0,3441 ' C.0,3868 0.0,4142

'Cau 10: Trudng trung hoc phé théng Prirc Tho cb t6 Toan- Tin gbm 10 gido vién trong dé

c6 3 gido vién nam, 7 gido vién nit. TS Ly— Héa - Sinh gom 12 giao vién trong d6 co 3
'g'xao vién nam, 9 gido vién nix. Chon ngiu nhién mbi t6 2 gido vién di chuyén de.Tinh
xac sudt sao cho cac g1ao vién dude chon c6 ¢4 nam va nit.

A_41 329 ' 49 - ' 42

L — C.— . Di—
55 ’ 330 66 55

" Cau 11: C6 30 t&m thé danh s8 tir 1 dén 30. Chon ngéu nhidn ra 10 tAm thé. Tim xac suit

A€ ¢4 5 tm thé mang s§ 1, 5 tdm thé mang s6 chin, trong dé chi ¢6 dung 1 tdm thé
mang s8 chia hét cho 10. :

1 .56 2 plt

667 667 667 667

Céau 12: Mot 1op hoc 6 40 hoc sinh trong do ¢6 20 em thudc nhém mau A, 10 em thuge

nhérm méau B va 10 em thudc nhém méu O. Chen ngiu nhién 4 em di tham gia hién méu
nhan dao. Tinh xac sudt dé& trong 4 em dugc chon phai ¢o it nhit 2 em thudc nhém
mau A. - o : T
A0 T g2 .20 p. 2%

962 962 . 481 431

| Cau13: GoiM1a tap hop cdc s8 6 4 chix s6 d6i mdt khac rhau 13p tie cacchitrst 1,2, 3, 4,

5, 6, 7. Lay ra tir thp M mét s8 bat ky. Tinh xac sudt dé 18y durge s6 ¢ tdng céc chix s8
lasole?
Al B. 2 C. 16 . D. 20 -
s . 35 35 35

Cau 14: Trong giai béng da nit cia trudng THPT Luong Ngoc Quyén cé 12 d9i tham gia,

- Trong dé c6 hai ddi cta hai 1op 12A6 va 10A3. Ban 6 chire giai tién hanh bdc
thdm ngiu nhién d& chia thanh hai bang A va B méi bang 6 ddi. Tmh xéc sudt d& hai
d6i 12A6 12 10A3 & cing mét bang.
A ' B.& e p. 2
11 11 11 Il
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Chinh phyc diém 8, 9, 10 bai tap tric nghu:m Giai tlch

Cau 15; Cho Xiatép hop gom 6 s0 tw nhién 1é va 4 s8 twe nhlen chan. Chon ngau nhién i
tap X ba s§ ty nhién. Tmh xac sudt chon dugc ba s6 tue nhién c6 tich 13 m6t 6 chin.
Al - B 'c-z--.'-D_

3 6 ' 3 6 :

Ciu 16: MQt thung dung 12 hép sira. Trong 12 hop d6 ¢6 5 hQp sita cam, 7 th sita dau.
L4y ngiu rhién 3 hop siza trong thung, tinh xac sudt dé& trong 3 hOp ska durge 1y ra c6 -
it nhét 2 hjp sita cam.

A B ol . .p2
I 22 22 R

" Cau 17: Mét t5 g‘ém 9 hoc sinh trong dé c6 3 hoc sinh ni. Can chia t& d6 thanh 3 nhém
d8u nhay, m&i nhém cé 3 hoc sinh. Tinh xéc suat d€ khi chia ngau nhién ta duorc mdi
nhém cé ding 1 hoe smh ni. _

2 B i b~
28 ) 14 28 14

Cau 18: Lép ‘Thay Quang’ ¢6 25 nam sinh va 15 ni¢ sinh. Chon ngiu nhién 4 hoc smh

1am nhiém vu. Tih xéc sudt sao cho trong 4 hoc sinh duoc chon ¢é it nhat mét ban nam.

o1 L
"703 71406 74 703

Cau 19: Trong ki thi hoc sinh gidi ‘cé'p tinh ctia tredng THPT Truhg Vtrdng ¢4 10 hoc sinh
dat giai trong d6 cd 4 hoc sinh nam va 6 hoc sinh nix. Nha trirong mudn chon mét
- nhdém 5 hgc sinh trong 10 hoc sinh trén dé tham dy budi 18 tuyén duong khen thucmg
-cudi hoe ky 1 ndm hoc 2015 - 2016 do huyén uy Vin Lam t8 chérc. Tinh xéc sudt d&
chon dwoc mot nhém gom 5 hoc sinh ma ¢d ca nam vi nit, biét s8 hoc sinh nam it hon
s6hocsinhnit. _ _ : ‘
Al - B2 el | D.-E
ST 7 - 7 7 :
- Cau 20: Trong mdt chidc hdp 6 mudi hai tm thé duge danh s8 tr so 1 d&&n s6 12. L&y
ngu nhién ra hai thé Tinh xac suat d& hai tém thé ldy ra phau ¢6 t&m thé danh s& chin.
Al B> 0! o2 p. 7
66 : 66 . 22 - . 22
~ Cau 21: C6 n cai keo trong tl, trong dd-cd 6 keo mau cam con lai Ia keo mau vang, Chi
1ay mét chiée keo bat ky tir trong i va 4n chiéc keo dé. Sau dé Chi lay mét chiéce keo
khdc va an ludn chic keo nay. Tim n bidt xac sust d& Chi in dwoc hai chiéc keo mau
camla1/3. '
A8 B9 . Cc10 b
Cau 22: D€ bao vé Dai hdi Dang toan quocl‘én thie XII didn ra tir ngay 20 dén 28 thang 01
* n3m 2016 Bé Cong an thanh 1ap 5 déi bao v&, BO6 Quéc phong thanly 18p 7 di bao vé.
" Ban t8 chitc chon ngau nhién 5 ddi thucmg truc d€ bao vé tai Trung tam Héi nghi
Quoc gia My Pinh (noi dién ra Dai héi). Tinh xéc suat d& trong 5 ddi dugce chon cd it- .

nhat 1 d6i thuoc B Cong an, it nhat 1 d6i thude Bo Quoc phong.
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i b ¢ 3 pll
36 ' 12 ‘ 36 12 -

Céu 23: Tmong trung hoc pho thong Trung Vufong 56 1 ¢6 t8 Toan gbm 15 gido vién
trong d6 cd 8 gido vién nam, 7 gido vién nit. T8 Ly gbm 12 gido vién trong dd c6 5 gido
vién nam, 7 giao vién nit. Chon ngiu nhién méi t6 2 gido vién di dw tap hun chuyén
daday hoc tich hop.Tinh xéc suflt sao cho trong cac gido vién dugc chon €6 2 nam va 2
Tir. . A ‘

A B2 a 2 p. 21
163 165 495 495
Cau 24: Mot 8 gdm 9 hoc sinh nam va 3 hee sinh nit. Cén chia t§ d6 thanh 3 nhom, mbi
nhém 4 hoc sinh d& di 1am 3 cong viée triee nhat khac nhau.Tinh xac sudt @& khi chia
" ngAu nhién ta duge mbi nhém ¢ ding 1 nik.
A , B2 L D2
165 55 : 165 55

Ciu 25: Trong mét hop kin dyng 2 vién bi do, 5 vién bi tring va 7 vién bi vang. Lay ngau
nhién 4 vién bi, tim xac suft d8 4 vién bi 18y ra khong cb dti ca ba mau.

A. 8 B 2 C 1Y ) w
13 : 13 13 S I3

Ciu 26: Mot hop dung 9 vign bi trong d6 ¢6 4 vién bi mau 40, 5 vién bi méu xanh. Liy ngiu
nhién 3 vxen bi. Tinh x4c suit d& trong 3 vién bi 14y duge o6 it nhat 2 vién bi mau xanh.
A. o B. S - C.— 25 D. 3

21 .42 42 2t

Ciu 27: Goi A 12 tap hop 4t ca cdc s§ tw nhién gdm 4 chit 53 phan biét duoc chon tir cc
chix s8 0; 1; 2; 3; 4; 5; 6. Chon ngau ‘nhién mot s8 tix tap A, tinh xac sudt d& s chon
duoc la s8 chia hét cho 5.

Al e T
6 : 36 36 3

Cau 28: Pdi du tuy@n hoc sinh gidi gidi toan trén méy tinh cam tay mon toan clia treedng
THPTTrung Vizong cd 4 hoc sinh nam khéi 12, 2 hoc sinh nit kh&i 12 va 2 hoc sinh
nam khéi 11. D& thanh tap d6i tuyén dy thi hoc sinh gioi gidi toan trén may tinh cim
tay mon todn cdp tinh nha tredng ¢an chon 5 em tix 8 em hoc sinh trén. Tinh x4c suft
dé trong 5 em dugc chon ¢d ca hoc sinh nam va hoc sinh nit, ¢4 ca hoe sinh khéi 11 va
hoc sinh khéi 12. _
FEREE: e o 1

7 - 7 14 T4
Céu 29: Trong bd mén Todn, thay g1a0 cb 40 cau hoi khac rhau gdm 5 cau hoi khe, 15
chu hoi trung binh, 20 céu hoi dé. Mot ngan hang 4@ thi mbi d& thi ¢6 7 ciu hoi duge
chon tir 40 cau héi d6.Tinh xac sudt G& chon duoc dé thi tir ngén hang dé trén'mhét
thiét phai c6 dit 3 loai cau hoi (khé, trung binh, d&) va s8 cdu hoi dé khdng it hon 4.
s . £ 3 951

© 3848 " 3848 4838 ' 3838
313




Chinh phuc diém 8, 9, 10 bal tap tric nghiém Gidi tich

Cau 30 Lap 58 tu nh1en ¢ 5 chit s6 khac nhau tir cic chit s 0:1;2;3: 4, 5; 6; 7). Hay tinh
xac suat d& lap dugc s6 tie nhién chia hétcho5. = _
A .
49 49 L 49 . 49
Céu 31: Trong dot thi hoc sinh gi6i cia tinh Hung Yén tredmg THPT Trung Vuong mén
Toan cé 5 em dat giai trong d6 c6 4 nam va 1 nit, mén Vian ¢é 5 em dat giai trong dé
¢6 1 nam va 4 nit, mén Héa hoc ¢6 5 em dat gidi trong d6 ¢6 2 nam va 3 nit, mon Vat 1
¢6 5 em dat giai trong dé ¢6 3 nam va 2 niz. Héi ¢6 bao nhidu céch chon mbi mén mdt
em hoc sinh d& di diz dai héi thi dua? Tinh xac suat d& cé ca hoc sinh nam va nix 48 dl .
 due dai hoi? . '
48 s o2 b, 821
625 . 625 : 625 625 :
Cau 32: Cho da giéc déu cd 12 dinh. Chon ngdu nhién ba dinh trong 12 dinh ctia da gidc,
tinh x4c sudlt d€ 3 dinh dwge chon tao thanh mét tam giac déu. .
AL B = D.->
55 55 165 165
Ciu 33: Poi vin nghe ctia- mét lop ¢6 5 ban nam va 7 ban nit. Chon ngau nhién 5 ban
tham gia biéu difn, im x4c sudt d& trong 5 ban duwgc chen 6 ¢& nam va ni, dorlg thdi
6 ban nam nhigu hon s8 ban nix. :
RELE 2o o p.2
792 ) 792 792 792
-Céu 34: C05b1thu’du'orcdanhsom12345va5contemthtrduocdanhsotu12345
"Dan 5 con tem thir 18n 5 bi thie vi mdi bi thu chi dan 1 tem thite. Tinh xac xudt dé c6 it
nhét mét bi thir dwoc dan tring 6 véi tem the.
2 Bl B
24 20 - : 30 30
Cu 35: C6 hai hop bi, hop thi nhét chira 5 vién bi do vA 4 Vién bi tring, hop thit hai
chita 4 vién bi d6 va 6 vién bi trang. Liy ngiu nhién tr mbi hQp ra 2 vién bi, tmh Xac .
sudt d€4 vién bi 14y ra trong 2 hop théa man ¢6 it nhat 3 viéh bi do.
L B2 T2 pt
27 - 27 18 . 18 :
Cau 36: Mot hop chira 20 qua cau glong rhau gom 12 qua @6 va 8 qua xanh. L4y ngéu
nhién (d6ng thoi) 3 qua. Tinh xac suét d€ 6 it nhit mét qua cu mau xanh.
-Ii : Bﬁ : ‘CIl o Dilé
57 C 57 57 . 57 7
* Cau 37: Mot chiée hop du'ng 6 quacau trang, 4 qua ciu do va 2 qua cau den. Chon’ ngau
' nhlen 4 qua, Tmh xac sudt dé€ 4 qua duo'c chon ¢6 di ca 3 mau. .
s g e 8
. 165 7 - 55 165 55
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Cau 38: Nha trudng t5 chite tham quan d ngoai cho 10 thanh vién tidu bifu cta cau lac
bd Toén hoc va 10 thanh vién tiéu biéu clia cu lac bd Tiéng Anh. Trong mét trd choi,
ban t8 chite chon ngdu nhién 5 thanh vién tham gia trd choi. Tinh xé4c sudt sao cho
trong 5 thanh vién dwoe chon, mdi ciu lac bd o it nhat 1 thanh vién

s o2l B g
646 : o 646 ) 646 646

Ciu 39: Goi X 12 t8p hop céc s8 t nhién gdm 6 chit s8 d6i mét khic nthau dwoc tao thanh
tiz cac chixsd 1, 2, 3, 4, 5, 6, 7, 8, 9. Chon ngau nhién mét s5 tiz tAp hop X. Tinh xé4c sudt
& 58 dwge chon chi chiza 3 chix s6 1é.

i 1 . bvj D }_(l

A — B — Co—= .
1512 : 21 42 . 21

" Cau 40: Lép 12A ¢6 3 ban hoc sinh nam v 3 ban hoc sinh nit di ¢ vil cude thi Sm hiéu

Luit an toan giao théng. Cac em dwoc x8p ngdi vao 6 ghé hang ngang. Tinh xéac sut
sao cho ba ban nit ng6i canh nhau. _
Al B o+ p.2
e 120 -7 30 5
Céu 41: Trong cum thi d& xét cdng nhan t6t nghiép THPT thi sinh phai thi 4 mén trong
&6 ¢6 3 mdn bat budc la Toan, Vin, Ngoai ng va 1 mdn do thi sinh t chen trong s8
cac mdn: Vat i, Héa hog, Sinh héc, Lich stz va Dia li. Trueong X c6 40 hoc sinh ding ki
du thi, trong d6 10 hoc sinh chon mén Vat i va 20 hoc sinh chgh mén Hoa hoe. Ly
ngau nhién 3 hoc sinh bét ky ctia triedmg X. Tinh xé4c sudt d€ trong 3 hoc sinh dé tudn
<0 hoc sinh chon mén Vit 1 va hoc sinth chon mén Héa hoc. _
L B2 o2 2
247 494 247 ' ‘ 494

.Cu 42: Mot xi nghiép c6 50 cdng nhdn, trong d6 ¢d 30 céng nhin tay ngheé loal A, 15

+ cbng nhan tay ngh# loai B, 5 cong nhin tay nght loai C. L&y nglu nhién theo dank
sach 3 cdng nhan. Tinh xéac sudt d& 3 nguoi duge ldy ra cé 1 ngudi tay nghe loai A,'1
‘nguedi tay nghté loai B, 1 ngu'o*l tay nghe loai C. ,

43 e p. 26
392 392 392 392

Caw 43: Ti cac chix s5 0; 1; 2; 3; 4 1ap duwge bao nhigu sé tix nhién b bén chir s6 d6i mdt khac

nhau. L&y ngiu nhién mét s8 trong cic 56 1ap dug, tinh xac sudt 4 [y duge s6 chin.
A~ .2 .t D.~
7 .8 "3 8
Ciu 44: Trong k& hoach khéng kich t& chite khiing bd IS My huy dong 15 chién déu co,
" Phap huy déng 3 chién diu co va Anh huy dgng 7 chién déu co. Can cho mét d6i bay
-6 chiéc d€ thyc hién nhiém vu. Tinh xdc suit d& trong ddi bay d6 cd it nhét 4 chién
. dau o cliia My.
1265 - 1265 253 115
‘ 315
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Chmh phuc diém 8, 9, 10 bai tap tric nghlem Glél tich

Cau 45: Trong giai cdu 16ng ky niém ngay truyen thdng hoc sinh sinh vién c6 8 ngudi
tham gia trong do co hai ban Viét va Nam Céc van déng vién dugc chia lam hai bang
A va B, méi bang gom 4 ngu’m Gia siz viée chia bang thuc hién bang cach bdc thim
nghu nhién, tinh xac suat de c hai ban Viét va Nam nim chung mdt bang dgu.

Al B2 . ¢ © bt
5 ' _ 7 o 3. 2 .

" 'Cau 46: Tai mét ki thi SEA Games, mén bong d4 nam ¢6 10 d6i béng tham du (trong d6
c6 @i Viét Nam va ddi Thai Lan). Ban t8 chitc bdc thim ngiu nhién d& chia 10 d6i
boéng néi trén thanh 2 bang A va B, m6i bang 5 d6i. Tinh xéc suit d¢ d6i Viét Nam va
d6i Thai Lan & cing mét bang. . ' _ '
At Bl ct . pl

9 : 3 , -9 3

Ciu 47: Ao thujt gia Dynamo trinh dién tiét muc dodn suy nghi. Anh y&u cdu mdt khan
gia ghi ngdu nhién mét day cd 5 chix s8 bit ky vao gidy.Ao thuét gia st dung ki thuat
didu luyén va dw doan ring day s8 duogc ghi ra gidy 12 mot s8 ty nhién khic 0, chia
hét cho 9 va 1a 56 chan Tinh xac suat dé€ ditu dui doan trén 12 ddng. - .

- A0,03333 : B.0,04444 - C 0 (5555 ~ o DL0,06666

- Céau 48: Mot lép dai hoc cé 80 hoc sinh va ban An ¢6 s& thi tw s8 69. Mot gido vién chon
ngiu nhién 5 hoc sinh 18n hat bai “Khong phai dang vira dau” cia Son Tung
MTP.Tinh xéc suat d& 4 ban hoc sinh dugc chon ¢4 s8 thix iy nhé hon va 1 ban c6 s§
thiz tie 16m hon 8 thit te clia ban An. ]

' 8958234 Y 8958235 C. 8958236 - ‘ 8958237
24040016 24040016 . 24040016 24040016 N

Ciu 49: Mt t3 ¢6 5 hoc sinh nam va 6 hoc sinh nit. Gido vién chon ngau nhién 3 hge sinh

d€ fam true nhat. Tinh xac sudt d& 3 hoc sinh dugc chon ¢6 ca nam vani., :
A B2 el : D.
1 11 11 | 11 |

Cau 50: Hai thi sinh A va B tham gia mdt budi thi vdn dap. Can bd hoi thi dwa cho méi |
 thi sinh mét bo cAu hoi thi g6m 10 cau hoi khic nhau, dizgc dung trong 10 phong bi
dan kin, c6 hinh thirc gidng hét nhau, m3i phong bi dung 1 cdu hoi; thi sinh chon 3
phong bi trong s8 dé d€ xac dinh ciu hoi thi clia minh. Biét ring bo 10 cau hei thi
‘danh cho cac thi sinh 1a-nhu nhau, tinh xdc suit dé€ 3 cdu hoi A chon va 3 cdu hoi B
chon la giéng nhau. - e

Al el ol L
80 100 120 140
Ciu 51: Mgt Idp hoc ¢ 33 hoc sinh, trong do cé 10 hoc sinh g10i, 11 hoc sinh kha va 12
hoc sinh trung binkh. Chon ngau nhién 16p hoc 4'hoc sinh tham du trai hé.Tinh xéc suat
. d& nhém hoc sinh dwgc chon ¢6 dit hoc sinh gioi, hoc sinh kha va hgc sinh trung binh.
21 e gl o s
62 . 31 : 62 31
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Cau 52: Cé ba b6 hoa. Bé thix nhit ¢ 8 bong hoa héng, bé thi hai ¢6 7 béng hoa ly, bd
thiz ba 6 6 bong hoa hué. Chon ngau rhién 7 bong hoa ti ba bo hoa trén d& cdm vao
mét 1o hoa. Tinh xac suét de trong 7 bong duoc chon c6 s8 bdng hoa hong béng s&
bong hoa ly. :
S A02052 ~ B.0,0447 _ C0103 D.0,0543
Cau 53: Trong cude thi “Rung chuéng ving” thudc chubi hoat dong Sparkling Chu Vin
An, 6 20 ban lot vao vong chung két, trong d6 c6 5 ban nit va 15 ban nam. D& séip x&p
- vi tri choi, Ban t6 chirc chia cdc ban thanh 4 nhém A, B, C, D, mdi nhdm ¢é 5 ban. Viéc
" chia nhém duwoc thuc hién bing cach bde thim ngiu nhién. Tinh xac sudt d€ 5 ban nita
N vao cting mdt nhom. ' '
IR et b
15504, - 3876 15504 3876
Ciu 54: Cho mét da gidc déu 12 dinh AiAz.. Az néi tiép duomg tron (©). Chon ngau
nhién 4 dinh c@ia da giac do Tinh xac suat d€ 4 dinh dwgce chon ra tao thanh mdt hinh
chix nhat.
Az B. = D. =
33 - 66 33 66
Ciu 55: M5t lép hoc cd 20 hoc sinh nam va 15 hoc sinth niz. Thay gido chti nhiém chon ra
5 hoc sinh'd€ 1ap mot t8p ca hat mimg ngay thanh lap Quin d¢i nhan dan Viét Nam
(22 thang 12). Tinh xéc sudt sao cho trong d6 ¢6 it nhat 1 hoe sinh nix.
A0,04776 B.0.95556 C.0,95224 D.0,04444
 Cau 56 Mot't8 6 7 hoc sinh (trong dé c6 3 hoc sinh nit va 4 hoc sinh nam). Xép ngiu
nhién 7 hoc sinh d6 thanh 1 hing ngang. Tim xac sudt ¢& 3 hoc sinh nix ding canh nhau.
AZ B2 ¢t p.L
7 ©14 7 14
Céu 57: Mai dé thi gbm 4 cau duroc 18y ngau nhién tir 15 cau hoi trong mdt ngan hang de
thi gom 15 cdu hoi. Ban Thily da hoc thude 8 cdu trong ngan hang dé thi. Tinh xac suat
d€ ban Thay rat ngau nhién dwoc mot dé thi cé it nhit hai cau da thude.
a2l '_ B2 c 0 Cop=
-39, 65 13 195
Cau 58:M6t binh du*ng 4 vién bi &6, 3 vién bi xanh, 2 vién bi vang. Liy ngau nhién tir
bmh ra3 vién bi. Tinh xac sudt d& iy duoc 3 vién b1 ¢ di ba mau.
At - B2 c.2 .2
7 7 7 7
~-Céu 59: T6 1 16p 12A1 ¢6 12 hoc sinh gom ¢6 7 hoc sinh nam va 5 hoc sinh nit, trong do6
- Anla to trudng con Hoa la t6 phé. Chon ngiu nhién 5 hoc sinh trong t6 ¢€ tham gia
- hoat dong tap th& ctia trr.rcmg nhén dip ngay thanh lap Doan 26 thang 3. Tinh xéc sudt
d€ sao cho nhom hoc sinh dugc chon &6 3 hoc sinh nam va 2 hoc sinh nit trong do
phai nhét thiét co ban An hodc ban Hoa nhung khong ¢ ca hai (An 1a hoc sinh nam,

Hoa la hoc smh nix).
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- Chinh phue diém 8, 9, 10 bai tip tric nghiém Giai tich

A R .= - p 2
44 : 99 , 22 . 396
Ciu 60: Mot hop dumg 10 vién bi d6, 8 vién bi vang va 6 vién bi xanh. Ly nglu nhién 4
vién'bi. Tinh xéc suft d& cac vién bi 18y duoc du ca 3 mau.
A0474 B.0,3614 C03162 - D.0,271
Cau 61: Mbt t8 c6 8 hoc sinh nam va 10 hoc sinh ni. Gido vién chon ngdu nhién 3 hoc
sirth ¢€ 1am trec nhat Tinh x4c sudt d€ 3 hoc sinh du'qc chon ¢é ca nam va nix. )
all g3 BENCE p.2°
51 ' 51 o 5t _ 51
Cau 62: Cho mét hdp dung 4 vién bi dd, 5 vién bi xanh v 7 vién bi vang, Lay ngau nhién
mét [&n ba vién bi. Tirih xac sut d€ trong ba vién bi 1dy dugce chi 6 hai mau.
Al e -
80 : 80 80 80
Ciu 63: T8 mot b 3 hoc sinh nam v 4 hoc sinh nit. T8 hai cé 5 hoc sinh nam va 2 hoc
sinh nit. Chon ngiit nhién méi t8 mét hoe sinh di lam nhiém vy. Tinh xac suét sao cho
chon durge hai hoc sinh ¢6 ca nam va nit
2 20 2 c 5 o
4ag - 49 : 49 49
Céu 64: Tu mét hép dung 4 vién bi d6 va 5 vién bi xanh, chon ngiu nhién hai vién bi.
Tinh x4c sudt dé hai vién bi duge chon cing mau.
AL B.2 el 2
6 : 9 18 3
Céu 65: Trong hdp dung 5 cai bat chi va 6 cai bt muec, sang nay trudce 1dc di thi ban An
lay ngau nhién 4 cai but. Tinh x4c sudt d€ An 1&y dwogc ca bat chi va biat muyec.
A B~ c.2l - p2
33 22 33 ' 22
Cau 66: Mot hop dtmg 20 qua bdng. Trong d6 c6 4 qua mau xanh, 5 qud mau 4o, 5 qua
mau tring va 6 qua mau vang. Liy ngau nhién ti hdp ra 4 qua bong Tinh xdc sudt 48
18y duigc it nhat hai qua béng cung mau.
Al e . ) "'D.LSH‘

_ 17 : 323 . 323 .17 =
Cau 67: C4 6 tdm bia duoc danhisé 0,1, 2, 3, 4, 5. L&y ngiu nhién 4 tim bia va x&p thanh
hang ngang tlr trai sang phaz Tinh x4c sudt d& xep duge mét s6 tu nhién 6 4 chit s8.

S - o D2
6 3. 3 6
Cau 68: Chudn bi ¢ho tet At Mu1 2015 m{t d6i thanh nién tmh nguyén ctia truomg THPT
Nghén gém 9 hoc sinh trong d6 c6 3 hoc sinh ni# chia thanh 3 t§ déu nhau lam cong

 tac vé sinh mdi truedng tai nghla trang liét sy huyen Can Loc Hay tinh xdc suft de m01

t6 c6 ding mdt hoc sinh né.
A . pL o2 D=
28 o 672 56 - 28

318



khangvietbook.com.va DT: (028) 39103821- 0903506848

Cz_“ni 69: Mot chi doan ¢4 15 doan vién trong dé c6 7 nam va 8 nit. Nguwdi ta chon ra 4
' ngu’cn trong chi doan dé d¢ lap mot ddi thanh nién tinh nguyén. Tinh xac sudt d&
trong 4 ngudi dugc chon ¢d it nhit 1 ni. .
AL B2 c3 D. L
.39 - 13 , o3 i3
" Chu 70: Cho tap hop 4=1{1,2,3,4,5,6,7}. Tix cac phin tir cia t3p A l8p cdc s6 tu nhién ¢d
_bén chir sc‘{, cac chix 6 ddi mot khéc nhau, chon ngau nhién mét s& tir cac sG mai lap
d6: Tinh x4c suft & 8 dugc chon ¢6 chit s§ hang nghin nhé hon 5.
AL B2 | ci' DS
7 - ' 7 . T .
Cau 71: Mét 601 van nghé 6 15 ngudi gom 9 nam va 6 nit. Chon ngau nhién 8 nguwdi di-
hat dong ca. Tmh xéc sudt dé trong 8 nguwdt dugce chon ¢d s8 nit nhidu hon s& nam.
LA B ot D2
ns 143 715 143
Ciu 72: Cho-tap horp X gom cac sd m nhién cé 3 chit s6 phan biét duge lap Hr céc chix s8
- 1,2,34,5,6. Chornt ngau nhién mot s& ty nhién tir tap hop X, tinh xac suét dé s6 dugc
chon c6 10ng céc chix s6 bang 8. .
AD3. .. . . BO6 , .Co1 D.02
‘Céu 73: Goi S'1a tap hop céc's8 tw nhién c6 hai chit 6. Chon ngiu nhién mét s8 tir tp
- hop S. Tinh x&c sudt d¢ s§ dwoc chon ¢6 chit s8 hang don vi va hang chuc déu lIa che
s8 chan _
A B S et D -
13 - - 45 18 45
- Cau 74: Cho 100 tdm thé dénh s& tir 1 dén 100, chon ngéu nl-uen 3 thé. Tinh xac sudt d&
tOng cc s6 ghi trén 3 thé dugc chon 1a mét s§ chia hét cho 2.
CA02 - . B03333 .. Co4 D.05
Cau 75: M{t hdp dung cdc s6 ty nthién 6 4 chit s8 duge thanh 1p tr cic s80,1,2,3,4. Bc
ngau nhién mét s8. Tinh xac sudt d& s8 tw nhién dwge bdc ra la s6 c6 4 chix s§ ma chix
$8 déng triede nhd hon chit s8 déing sau. :
B S R
S00 250 500 - 625
“Cau 76: Mot hop dung chita 4 vién bi tring, 5 vién bi do va 6 vién bi xanh. L&y ngiu
- mhién tir hop ra 4 vién bi Tinh xac suit dé 4 vién bi dwoc chon ¢ di 3 mau va sd bi do
" nhidu nhét. , :
aZz o gl c2 . p2
9L : 91 - _ 9 91
~ - Céu 77: M6t chi hop <6 chin thé gifng nhau duge dénh s§ lién H&p tir 1 d&n 9. Rat
ngau nhién. dong thoi hai the (khong k& thi ty) rdi nhin hai s§ ghi trén hai thé véi
nhau. Tinh xéc suat d& ket qua nhan duqc la mQt 56 chan.
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Chinh phuc diém 8, 9, 10 bai tip tric nghiém Giai tich

A. 2 o B 3 . T C 1 ' D= 13
18 ' 9 6 18

Céau 78: MQt hép dung 4 vién b1 dd, 5 vién bi t-rang, 6 vién bi va;ng (cac vién b1 cd kich
_thude gidng nhau, chi khéc nhau vé mau). Ngudi ta chgn ngau nhién 4 vién bi tir hép
d6. Tinh xdc sudt dé 4 vién bi chon ra khéng c6 du ca ba mau. A :
AL B3 8 D32

, i3 : 91 ' 91 91

Céu 79: Trong mén Toan thay gido c6 30 cAu hoi khéc nhau trong d6 ¢ 5 cau kh6,10 cau
trung binh,15 cau de tir 30 ciu nay cd thé lap ra bao nhidu d8 kiém tra o6 5 cau hoi sao
cho phai c6 dix 3 loai kho, trung binh,dé va s& cu dé khéng it hon 2. _

A 34125 B.10500 C.56875 D.23625 .

Céu 80: Trong mdt cai h§p ¢6 40 tdm thé duoc danh s tir 1 dén 40. Lay hgﬁu nhién 3 tdm
thé trong hop dé.Tinh xéc sudt d& tong cac s6 trén 3 tdm thé lay duoc 14 mot s8 chia
hét cho 3. ) : :

A02 - - - BO33 - Co4 D.045 ‘

Cau 81: Mot t8 hoc sinh gdm ¢é 5 hoc sinh nam va 7 hoc sinh nit. Chon ngau nhién 2 hoc
sinh di chdm s6c bdn hoa.Tinh xac sudt d‘e 2 hoc sinh dwgce chon di chim séc bon hoa
¢d ca nam va nik. :

A54% B.55% C.56% : D.57% -

Cau 82: Cho mét da giac déu 14 dinh AiAz... Anndi ti€p dudng tron (O). Chon ngiu
nhién 4 dinh ctia da giac do. Tinh xac suét d€ 4 dinh duoc chon 1a tao thanh mgt hinh
ichit nhat. : :

Az B.— el | D. 12
15 143 15 143
Ciu 83: Mot binh dung 5 vién bi do, 4 vién bi xanh, 3 vién bi vang. Lay ngiu nhién tir
' binhra3 vién bi. Tinh xdc sudt & lay duwge 3 vién bi co di ba mau.
Al 5t N pl
-3 ' 11 : 3 : 11

Cau 84: T6 mét c6 5 hoc sinh nam va 4 hoc sinh nit. T8 hai ¢ 6 hoc sinh nam va 7 hoc

“sinh nix. Chon ngau nhién mdi t6 mdt hoc sinh di Iam nhiém vu. Tinh xé4c sut sao cho

éhon duoe hai hoc sinh ¢6 ¢ nam va nix

20 , 59 6 8
A2 B— C— - -D.—
49 117 49 _ 49

- LOI GIAI CHI TIET
Ciu 1: Dap an C.

“ > Lo giai: S5 cach chon 8 hoc sinh tir 18 hoc sinh ctia ddi tuyen 13: C% =43758 cach

320



A 0 man

Kkhangvietbook.com.vn DT: (028) 39103821- 0903906848

S_{)'Cédl chon 8 Boc sinh khéi 12 va 11 1a C |

58 cach chon 8 hoc sinh khéi 11 va 101 C};

58 cach chon 8 hoc sinh khéi 12 va 1014 C},

Suy ra s8 cach chon theo yéu ciu bai toan 1a: 43758 ~C}, —C), — C}, = 41811 céch,
Cin 2 Dip an A. _

» Lii gidi: S8 cach chon 5 hoc sinh tir 13 hoc sinh ctia di tuyén 1a: C%, =1287 cich
- S8 cach chon 5 hoc sinh kh&i 12 va 111 € '

~ 58 céch chon 5 hoc sinh khi 11 va 101a G

— 58 cdch chon 5 hoe sirth khgi 12 va 1012 C

Suy ra so cach chon theo yéu céu bai todn [a: 1287 - C; —C; —C; =979 cach

Cau 3: Dap én C.
> Léi giai: Goi x 14 s8 hoc sinh nit, x 14 58 hoc sinh nam (x > 4)

i

Theo bai ra, ta cd:

: x! x x.x(x—])(x—2)
Qe _s 33 s o T 3 s
ch (2x)t 217 2x(2x-1){2x-2)}{2x-3) 21
41.(2x-4)! 4!

. ‘:x =5
oxt-2x-— 1 5=0¢ .
_ x=-3(loai)
Vay s8 hoc sinh ctia ‘Lép Toan 11 thay Quang 1a 10.
Céau 4: Pap an C.
> Loi giai: Ngu.rcn khach thix nhét cé 5 cach chon mt cira hang dé vao.
Khéng gian miu 1a: |Q| 3125 '
D& 6 it nhat mdt cira hang 6 nhiéu hon 2 khach vao thi cd cac trucmg hop (TH) sau:
v THr: Mot cira hang co 3 khach, mét cira hang & 2 khach, ba citahang con lai khong
" c6 khachnio. TH ndy 6 CL.CI.CL.C? =200 kha ning xdy ra.
v THz: Mot clrahang ¢6 3 khéch, hai cirahang cd 1 khach, hal citahang con lai khéng
06 khach nao. THnay c6 C;.C;.C;.P, = 600 kha ning xay ra. _
v THa: Mot cira hing cd 4 khach, mét crahéng c6 1 khach, ba crahang con lai khong
6 khach nao. TH nay c§ C;.C; C; =100 kha ning xay ra.
v TH4 Mgt cira hang ¢ 5 khdch, cac clra hang khac khong c¢ khach nao. TH nay <o
C; =5 kha nang xay ra. : :
Suy ra co tatca 200+600+100+5= 905 Kkha ning thudn lgi cho bién ¢6 “cd it nhat
- m{t cira hang c6 nhidu hon 2 ngudi khach vao” '

Vay xac-sudt ¢an tinh la: P= 05 _181
; . 3125 625
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Chmh phuc diém 8, 9, 10 bai tap tric nghlem Gisi tich

Cau 5: Dap an C ,
» Loi gidi: 56 cach nhdn ma dé hai mén Hung 146.6=36
$§ cach nhan ma d& hai mon Hoang 12 6.6=36
S8 phan tit ciza khong gian mu [©) = 36.36 =1296
- Goi A 13 bién c5”Hung va Hoang ¢ chung diing mot ma d@ thi”
v' Kha nang 1: C6 cing ma dé Vat ki
Hung ¢6 6.6 cach nhin ma dé hai mén, khi dé Hoang ¢ 5 cach nhan ma d‘é

Do d6 cé 36.5-180 cach
v Kha ning 2: Tuongmco cung ma dé Hoa hoe ¢6 180 cach
360 5
=|0,|=360. Vay P(4)=
= 3y P(4)= 1296 18

Cau 6: Dap an A.
> Loi gidi: Goi khdng gian mau ctia phép chon ngdu nhién 1a Q
86 phan tiz ciia khéng gian miula: C; =126
Goi A 12 bi&n c§ “Chon ngau nhién 5 ban +i-d¢i admin && chira d& THPT Qudc gia
ndm 2017 va ¢ it nhit 2 admin (ad) 16p 12A”.
Chi ¢6 3 kha niing xay ra thuan loi cho bién c§ A Ia:
+ 2adlép 124, 1ad 16p 128, 2 ad Idp 12C '
+ 2ad1ép 124, 1 ad 16p 12B, 2 ad 16p 12C
+ 3adlop 12A, 1ad 16p 12B, 1 ad 16p 12C _
56 két qua thuén 1gi chobitn 6 A la: C..C).CI+C..CLOI+C2.CI.Ch =78
Xacsudtcantimla P= 8.1
7 126 21
. Cau7:Pap an B.
> Loi gidi: n(Q) = C{'z —495
601 A 13 bi&n 8 : “ 4 hoc sinh dwgc chon khong qua 2 trong 3 16p trén”
= A:“ 4 hoc sinh duoc chon 1z hoc sinh ctia ca 3 1op trén”
Ta c6 cac truong hop sau: ' :
+ 2hocsinh 16p A, 1 hocsinh igp B va 1 hoc sinh'16p C.c6 C2.C).C} =120 cach

+ 2hoc sinh 1¢p B, 1 hoc sinh 16p A va 1 hoc sinh 1dp C ¢6 CLC2.C) =90 cach
+ 2hoc sinh 16p C, 1 hoc sinh 16p A va 1 hoc sinh 16p C 6 CL.CL.C? = 60 céch

=n(A)=270= P(4)= :g =%

Véy xéc sudt clia bién o5 A la: P(4) =1 —P-(z) =T5T
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Ciu 8: Ddp an A.
> Lot gidi: M&i cAch x&p nglu nhién 6 hoc smh thanh 1 hang doc 1a mét hoan vi ciia 6
- phin tit = n(Q)=6!=720 (phan ti)
Goi A 1a bién c8: "Minh va Lam diing canh nhau”. = n{4)=5!.21=240 (phén t&)

n(Q) 720 3
Ciu 9: Dap an C.
» Loi gidi: Tong s6 hoc sinh nix ¢ hai 16p 1a 15 +22=37. 58 phan tir clia khong gian mau
Bo=c2
Goi A 12 biéh c& da cho, khi dé ¢6 ba trieomg hop: Mot 16p ¢ 9 hoc sinh 16p con lai 11
hoc sinh, hodc cé hai I6p cling 6 10 hoc sinh. Suy ra | =chCn +CF Cg'? CliCy
CiCh+ CCR+ClCY,
Cs

)

' Xéc sudt cn timIa: P(4) = ~ 0,38676

Ciu 10: Pap an C. - :
> Loi gii: S8 phan tir ctia cia khdng gian maw: n{Q) = C},.C7, = 2970
Goi A: “Cac gido vién dwoc chon c6 ci nam va ni”
- Suy ra A:“ Céc'giéo vién duge chon chi ¢d nam hodc nit” _
n{4 ) CGI 4G =765 =>n(4) = C3.C—(C2.C3 +C2.C2) = 2205
49

* Vay xdc suit cin tim 12 P(A) 7

Céu 11: Pap an C.
Re Loi giai:Goi Q 13 tip hop céc cach chon 1a 10 t&m the tir 30 tfm the da cho
Suy ra [Q=Cyg ,
Trong 30 tdm thé c6 15 t&m thé mang s§ 1¢, 15 tAm thé mang s6 chan trong d6 ¢6 3 tim
thé mang s§ chia hét cho 10.
Goi Q, 1a tap hop céc céch chon ra ¢6 5 tdm thé mang s8 18, 5 tAm thé mang sd chan,
ong dd chi ¢é ding 1 t&m thé mang s6 chia hét cho 10 -
Suy ra IQ |— C;,.C, Cl
CHChly 99
. ce 667
Céu 12: Pap an A. ' - )
' Ta c6 khéng gian miu 14 |Q = Cj)

Vay P(4)=

Goi A: “Trong 4 em dugc chon ¢6 it nhit 2 em thudc nthém mau A”
¥ THI: 2 em nhém méau A, 1 em nhém mdau B, 1 em nhom méau O
=06C3,.C),.Cly cachchon
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Chinh phuc difm 8, 9, 10 ba1 tip trac nghu;m Gidj tich

v TH?. 2 em nhom mau A 2 em nhém mau B, 0 em nhdm mau O
=06C3.Cjo-Cyp cachchon

* v TH3: 2 em nhém mau A, 0 em nhém mau B, 2 ern nhém mau O
=cb Cfo C',°n .C}, cach chon

v' TH4: 3 em nhdm mau A, 1 em nhdm man B, 0 em nhém mau O
=6 Ch.Cl.CY cach chon

- ¥ THB5: 3 emn nhém mdu A, 0 em nhém mau B, 1 em nhém méu O
'=¢6C;.Cr-Chy cach chon '

v"-'TH6: 4 em nhém mau A, 0 em rthém mau B 0 em nhém mau O
=c6Cy,- C,”,J C}, cach chon

|sz| 63745 _ 671

o ¢, 962'

=|Q,|=63745< P, =

Céu 13: Pép 4n C. o :
» Loi gii: Goi A Ia bién ¢ " S8 chon duoc 13 $8 ¢6 4 chit s6 461 mdt khic nhau va tong
cac chit s§ 1a mét sG 18", S8 cac 58 ¢6 4 chu’ s8 d6i mot khac nhau 13p v 7 chix s6 da
chola4; =840 (56') suy ra ]Q| 840. _
Goi s6 4 chir s§ doi mot khdc nhau va ff)’ng cac chit s6 12 mot s 18 ¢o dangabed. Do
tong a+b+c+d1as81é néns8 chirs§lelale,
. ¥ Trudmghop 1: ¢6 1 chiz s61é, 3 chir s§ chin: c6C,.C; =4 bd s8.
v Trudmg hop 2: 6 3 chit 5518, 1 chit s6 chiin: c6C}.C} =12 b s5.
Tir mc"ii b s8 trén ta 1ap durgc P, =24 s6
Tat ca cé 16. 24 384 s6, suy ra: IQ |- 384
aolo 384 16 '
|Q[ 840 35

Ciu14: Dap 4 in A.

© > Loi gidi: Goi X 1a bién 6 “Hai ddi 12A6 va 10A3 0 cung mgt bang”

56 cach chia 12 46i thanh hai bang, mdi bang ¢6 6 ddi la: n{Q)=C;C¢ =924
S8 céch chia 12 déi thanh hai bang, méi bang c6 6 ddi, hai 491 12A6 va 10A3 & cling
. -mdt bang la:
- Hai ddi cung bang A hodc B: <62 cach :
- - Chon 4 d6i con lai vio ciing véi bang ctia hai d6i: c6C), cach
- ChQn 6 d4i con lai cho bang con lai: c6 C; =1 cach’
Suy ra n(X)=2.Cy, =420 cach

Xéc sust xay ra bién 8 X la P (X ) = % 151
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Cau15: Papan D.

"% Léi giai: Phép thie T: “Chon ngau nhién tir tdp X ba s§ tr nhién”
= 58 phin tir cia khong gian méu la:#(Q) =C), =120
Goi A labign cf “Chon duge ba s8 tir nhién c6 tich Ia mét s& chin”,
= Alabién c" ”Chon duoc bass tir nhién ¢d tich 1a mdt s6 18~
Chon duge 3 58 ty nhién 1€ c6 C; cach.

=>n(4)=C; =20

. on(4) 20 1
oo ()=
VayP(A):I—P(Z)=IT%=%

Céu 16: Dép an C.
> Lo giai:
- Ly ludn va chi ra degc s8 phan tir cua khéng gian maw: [Qf = Cj; =220
- Goi A 12 bifn c8 3 hop sita 18y dugc c6 it nhat 2 hop sira cam
Ly Iuan cach chon dtng va=>(Q,| = C;.C; + C] =80

o 4
- Suy ra xdc sudt cin im la m

Cau17: Bap an A, -
> Loi gidi: Goi phép thir T: “Chia 9 hoc sinh thanh 3nhém”
- Chon 3 hoc sinh tir 9 hoc sinh cho nhém mbt: c6 C; cach
- Chon'3 hoc sinh tix 6 hoc sinh cho nhém hai: c6C; cach
- Chon 3 hoc sinh con lai cho nhém ba: ¢6 C; cach
Do khéng quan tim dén thit t cia céc nhém
= S8 phin t ctia Kkhéng gian mau 1&:{0Q = ( 5CeC3 )31 =280
Goi A 1a bién c&: “Mdi nhdm ¢o dung 1 hoc sinh nix” _
- Chla 6 hoc sinh nam thanh 3 nhom: teong tie trén r:o(C2 C? Cz) 3! cach .
- Xeép 3 hoc sinh nit vao 3 nhom 6 3! cach
= 58 phan tix cia bién o§ A la: fA] C2.CI.Cr =90
14 _
o 28
Cau 18: D4p an B.

y: P(4)=

"5 Léi gidi: Khong gian méu: [0]=C},
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Chinh phuc diém 8, 9, 10 bai tdp tréc nghiém Gidi tich

Goi A 12 bién c8 éin tinh xéc sudt ta c6 4 12 bién o8 ca 4 ban dwgc chon déu 1ani sinh
Ch 1385

nén [QA|=C]4S :P(A)=1~P(2)_=I_—_CE>;"=%

Céu19: Pipan C.
> Loi giai: Khéng gian mau n(Q) Cr: =252

Goi A la bién ¢ 5 hoc sinh duo'c chon ¢6 ca nam va nit dong thoi s8 hoc sinh nam it
hon hoc sinh nit.

¥ Trzong hop 1: Chon 1 hoc sinh nam va 4 hoc sinh it nén ta c6 Ct C
v' Trwedmg hgp 2: Chon 2 hoc sinh nam va 3 hoc sinh nit nén ta c6 C? C3
Suy ran(A4)=CLC}+C2.C2 =180

Vay xac suét cin tim 1a P(4) =§

Ciu 20: Pép an B.
> Léi gidi: Chon 2 thé trong 12 thé nén s& phian tir cia KGM 1a: C2, = 66
' 58 cach chon 2 thé ddu la s 1e:C] =15
] cach chion 2 the ma trong d6 phai ¢ thé dénh 8 chén 1a:C% —C? =51

‘X4c sudt cin fim 1a: ﬂ
66

Cau21: Pap an C.
» Léi gidi: Goi Q1 khong gian miu ta c6n(Q) = n(r-1)
Goi A 1a bién 8 “Chi &n duwge hai chide keo mau cam” #(A) =6.5=30
Xéc sudt d& Chi én-duqc hai chié'c keo mau cam 1a 1/3 suy ra
300 1 n=—9 (loai)
'n(n 1) 3 n=10 (thda min)
Ciu 22: Pap an C. :
> Lgi giai: S8 cach chon ngau nhién 5 doi trong 12 d%i lAC, =792 = n(Q) 792

<:>n(n 1) e n'—n— 90 O@{

56 két qua thuan loi cho bién c& A: “Mbi BO ¢6 it nhadt mdt ddi bao vé” 1a:
-~ n(4) 35
4)=C}—Ci - C}=710= P(4 ....’3_(..._=_
n( ) 12 ( ) " (Q)
- Cau23:BPédpan C,
» Lo gidi: 56 phin tir ctia caa khong gian mau: n(Q) CLCY
" Goi A 13 bién ¢8: “Cac glao vién dugc chon ¢6-2 nam va 2 nix”
n{A)=C;C} +C;C} +C,C3C5Cy
P(4)= n{4) 197
n(Q) 495
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Ciiu 24; Dap 4n A.
‘K‘.’r'léng,gia.n méu Ia |[Q|= ¢t ¢t ¢
Knorg gianbith 51410, |- 31}
Do d6 xac sufit1a P, = IQ ‘ ﬂ _'i.
, o T¢hercr T 16s
Cau 25: Dép an A,
> Lbi giai: S8 cach 18y 4 vien bi bat ky 1a C& =1001
Ta d&m s& cach 14y 4 vién bi c6 di1 ca mau
+ THL: 1D, 1T, 2V ¢6 C,.C; (2
+ TH2:1D, 2T, 1V 6 GCE G
o+ TH3: 39,1, 1V 'e6 C2.CL ¢!

' Vaysocachlay4V1enb1 6 du 3 mau 1a C,.CL.C +C.CLC +Ch .Gy C' =385 cach

1001 -

Xac sudt 18y 4 vién b1 khgng du 3maula P=

. Cau 26: DapanC
> Loi gidi:

. 1001

Goi Q2 1a khéng gian maty ciia phep &y ngau nhién 3 vién bi fir 9 vién bi suy ra

n(Q)=Cr=84

"Got A 1a bién ¢8 18y duges it nhét 2 vién bi xanh. h

Y Tru?orng hop 1: Trong 3 VlQn bi 13y duoc c6 2 vien bi xanh, 1 vién bi 46, ¢ Ci.C, =40 cach

v anong hop 2: Ba vién bl 14y ra toan mmau xanh, ¢6 C; =10 cich

n(4) 50 _25
n(Q) 84 42

- Suy ra ,,(A)=c§.c;+cg =50. Vay P(d)=

Ciu 27: Dép an C. ,
> Lbi gidi: S§ phan tiz clia sA 12 6.4] =720

56 cach chon mt s3 6 h. ang don vi 1258 0 ¢ 1.4 =120
56 cach chon mét s8 c6 h- ang don vi 1285 c61.5.47 =100
Suy ra 8 céch chon mét a5 chia hét cho 513 120+100=220

220 n

Véy xac sudt can im ban
' 720 36

Cau 28: Dap dn D

> Lo giai: Socach Ch0n59emhocsmhtu8hocsml—1 t-renla C; =56 cach

- b€ ChOH 5 em thoa min bbal ra, ta xét cac trudmg hop sau

SRS R = S A et < N - TRV B it SO LR PR g S P SRS SO
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_'Chmh phuc diém 8, 9, 10 ba1 tap tric nghiém Giai tich

+ 1 nam khéi 11, 1 nik kho1 12 va 3 nam khéi 12 c6: C G, C3 cach
"+ 1nam khéi 11, 2 nit kh01 12 va 2 nam Khi 12 c6: C2C§Cj cach
+ 2nam khdi 11, 1 nit kh6i 12 va 2 nam khéi 12 ¢6: C;C,C; cach
+ 2nam khéi 11, 2 nit kh6i 12 va 1 nam kh6i 12 ¢6: C;C;C; céch
S8 cach chon 5 em théa méin bai ra la: C, C‘C‘3 +C C1C2 +C2C C'2 +C2C2C' =44 cach

- Vayxac sudt can tinh B — 44 1
56 14

- Ciu29: Dap dn A.

> Loi giai: Khong gian méu caa viée tao dé thi 1: |0f = Cy, =18643560
Goi A 14 bién ¢8 chon du'_c_rc dé thi cé du 3 loai cau hoi (kho, trung binh, d8) va s8 ciu
hoi dé khong it hon 4. _ '
[eXES C;’0 .CZ.CI‘S +Ch CiCl + Chy .C‘.C,‘s = 4433175

|l s15 ‘

]Q[ 3848

Xac suat can tim la: P(4) =

Cau 30: Dap anC. - .
> Loigiai: Gei Ala bién ¢6 14p duoc s8 ti nhién chia het cho 5, ¢6 5 chir 58 khac nhau
* 56 cacs0 tw nhién gom 5 chit s8 khac nhaw: 4; — 4, = 58808
* 54 cac 6ty nhién chia hét cho 5 ¢6 5 chit s8 khac nhau: A4; +6.4; =1560 s§
1560 13
(4)= 5880 49
Ciu 31: Pap an B.
» Lo gii: C6 t4t cd 5.5.5.5-625 cach - = n(Q2) =625
Goi A 12 bién ¢8 “cé ca HS nam va nix di di dai héi”
=5 41 bign o8 “Ca bén HS nam hoic ca 4 HS nit di die DPH”

=n(d)= 4123+1432 48:>P(A) n% 6285
A o4 5T
Viy 1”(1‘1)—_1’*'0(’4)..1 625 - 625

Ciu 32:-Béip anC
> L giai: S5 cach chon 3 dinh bt ki CJ; =220
.. D& 3 dinh duoc chon tao thanh mQt tam giac. déu thi cac dinh do phai nim & cac vi tri
cach déu nhau, nén s8 céch chonra duoc mét tam gidc déu 1 -3— =4 '
4 1

: Vay xac sudt can tinh P =
‘ o 20 55
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Céu 33: Pép an C. :
> Loi giai: 56 cach chon 5 ban bit ki 1a: C‘ =729. D€ chon dwoc 5 ban thda man yéu

cau bai toan, ta c6 hai kha nang saw:
- THZI: Chon 4 ban nam va 1 ban nit, ¢ C C =135 cach chon.

- - TH2: Chon 3 ban nam va 2banmr co C3 C =210 cach chon.
© VAy xéc sudt ¢an tim [a: P S32%210 243
792 792
Ciu 34: Dap an D.
> Loi gidi: Khong gian mau la s6 cach dan 5 temn thu 1én 5 bi thu ¢6 5! cach
" Suyra n(2)=5!
*) Goi A 12 bién c& ¢6 it nhét mét bi thur duge dén triing s5 véi tem thur.
Céc tf:fb‘ng hop thusn kﬁ cho bién ¢ A xay ra la
+ - THI: 1 bi the dugc dan triing 6 véi tem thu cé: €5.3.3.1.1=45
- TH2: 2 bi thu dwoc dén trimg s6 voi tem thw cé: C.2.1.1=20
- TH3: 3 b thu dwege dan trimg s6 v6i tem thue ¢6: C1.1.1=10
- TH4: 4bi thu dwoe dan tring s6 véi tem thue Khong xay ra.
- THS5: 4 bi thu dwge dén trimg s6 véi tem thue ¢d: CF =1
Suy ra n(A)=45+20+10+1=76
Vay xust xust cin tinh P(A)=~7—§=l—9~ - -
| o 5130 |
Cau 356: Pap an A. _
> Loi gidi: Khong gian miu |Q)=C,.Cf, =1620
Gol A: “4 vién bi 1y ra trbng hai hép théa man ¢ it nhat 3 vién bi do”
Vi trong 4 vién bi Iy ra thi c6 it nhit 3 vién bi dé nén ta ¢ cdc trudng hop sauw:
- THI: 4 vién bi ¢ 3 vidn bi d6 va 1 vién bi tréng:
* 88 cach 18y ra 2 vién bi d6 & hdp thi nhat valvienbido ¢ hp tha hai:
" ClLCy.C, =240 cach-
x S8 cach 14y ra 1 vién bi do & hop thi nhit va 2 vién bi do ¢ hdp that hai:
CLCLCE =120 cach : -
S6 céch 18y ra 4 vién bi trong hai hdp cd 3 vién bi do 1a 240+120=360.
- " TH2: 5§ céch 1dy ra 4 vién bi d6 trong hai hgp la C; .C; =60
Véy sG chch 18y ra 4 vién bi trong hai hjp tir hai hop ¢6 ft nhat 3 vién bi do 1a: 420 cach.
=Q, | =420
420 7

Vay xac sudt thoéa mén yéu cdu bai toan 1&: P=——=—
: : 1620 27
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* Chinh phuc di#m 8, 9, 10 bai tip tric nghiém Gidi tich

Cau 36: Pap an D.
» ‘Lo gidi: S8 phin tir ctia khéng gian mau 1a n(Q)=C;,
Goi A la bién c8 “Chon duoc ba qua cau trong dé ¢ it nhat hflét qliérc‘éu mau xanth”
Thi 4 1a bién & “Chon dugc ba qua diu mau do” = n(Z) = Cf? :b'P(E) = E:C‘ji
- . . 20
Vay xéc suft clia bién o8 A 1a P(4)=1-P(4)=1 —% _6
S 57
. Cau 37: Dép an B.
> Lo gidi: Khong gian miu c6 s8 phan tirla C
~ 58 cach chon duge 4 qua cau du cd 3mau la: C;.C,.C, +C,.CL.CL + C.C,.C2
C2C1 C+CoC G+ CoClCE 24 '
ch Y

) Xac suat can hm: P=

Céu 38: Dap an A.

> Loi giai: 6 phan tir ctia khéng gian méu la #n{Q) =Cj,
Goi A Ja bign o8 “Chon duoc 5 thanh vién, sao cho mbi cin lac bd ¢d it nhit 1 thinh vién”
56 k&t qua thudn lgi cho 4 1a C), +C) = 504
~ Xacsult ciiabién c§ A I P(A) = 1_5_05{ 625

Cy 646

Ciu 39: Pap an D.

> Léi giai: Goi Q 12 khong gian méu clia phep thir: "Chon ngau nhién mét s8 tix tp X”.
Khi dé: |Q= 45 = 60480

. Goi A 12 bién €6 “58 duoc chon chi chita 3 chix s6 167, Khi d6: )

+ Chon 3 chir 5§ 1& ddi mgt khac nhau tir cc chirs§1357 9 ¢6:C} cich

+ Chon 3 chir s0 chan d6i mot khac nhau tir cac chix s8§2468ck: C, cééh

+ Sap x€p céc chit s§ trén.d€ dugc 56 thoa man bi&n c§ A c6: 6! cach.
Do d6 ]Q |—C C; 6'—28800

Vay xac sudt can tim la: P(4)= llg;l|l zgigg %

Ciu 40: Dap an A,
> Loi gidi: Khong g1an mau 1a tap hop céac cach xép 6 hoc smh ng01 vio0 6 ghé& hang '
ngang. S§ phén tir ¢tia khong gian miu 1a: [Q] = 6! '
Goi A 12 bién ¢8 "Ba ban nit ngdi canh nhai”
Ta coi ba ban nix ngdi canh rhau Ja mét phén tix x. S8 cach chon phan tiz x 1a 31
Viéc x&p 6 ban hoc sinh thanh hang ngang sao cho ba ban nit ngdi canth nhau try
thanh viéc xEp thiz t 4 phan tir (3 ban nam v phén tir x). 53 cach x&p 1a 41.
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58kt quna thudn loi cho bién c6 A Li: || =3141
X-éc sudt ctia bién 8 A Ia: P(4) = 2 LN
_ I 6! 5
Céu 41: Dap a’m C.
> L& gidi: 56 phén tr cia khing gian mau la 1, =Cy,
Goi Ala bxen 8 “3 hoc sinh durge chon ludn ¢b hoc sinh chon mén Vat Iy va hoc sinh
chon mén Héa hoc”
56 phian tir ciia bidn ¢§ A ln, = C.Co +Co Chy +Ch.Clo-Ciy
Vay xac sudt dé’xéy rabiénc§Ala P, = :—: = ;—i%
Cau 42: Dap an C. , --
» Lot gidi: S8 phan tz clia khong gian mau n(Q) = Cjo =19600
‘ So két qua thuan 1oi cho bién 6 ”Trong 3 ngudi dugc 1y ra, mébi ngroi thude 1 loai”

1a €3y Cis.C5 =2250. p=220 %5 yicsudt cantinhla P= 2250 _ 45
- 19600 392 19600 392

Cau 43: Béap an B.
Loi g1a1
Lip dugc24 +36= 60 8

Xéc sudt chon dixgc s5 chinla: P = % = %

. Cau 44: Dap an B.

> Lm gidi: Goi A: “Trong déi bay d6 cd it nhat 4 chién déu co chia My”
= A: “Trong ddi bay d6 s6 chign co ctia My it hon 4 chién co”
Taco: [Q=C5;

+ anorng hop 1: Khéng c6 chign co nao caa My= 6 CsChy cédﬁ chon

+ Trudng hop 2: C6 1 chién c& clia My=> ¢6 C;.C;y céch chon |

+ Trzéng hop 3: C6 2 chién co clia M= ¢ C55.Cy céch chon

+ Trudng hop 3: C6 3 chién co clia Mj=> c6 C;.C3, ‘céch chon
=1 = CCly + CLs Cly + CL.C + .Gy

L p o GG+ Cis Cip #+ G +Gis Crg
~ AT ] s .
N : 25

Cau 45: Dap an B.
> Loi gidi:
58 phan tix ctia khong gian mau 1a: [Q=C; =70
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. Chinh phuc diém 8, 9, 10 bai tip tric nghiém‘Gi-éi tich

Goi A la bién c&: “Ca hai ban Viét va Nam nim chung mdt bang d&u”.

S8 két qua thuan 101 cho bién o§ Al 2, I— aic? —30

1224 |_30_3

[Qf 70 7

Cau 46: Pdp an C o S

> Loi gidi: Goi M 12 bién c&: “Viét Nam va Théi Lan & ciing mét bang”.
56 bién c& dong kha ning: S8 cach chia 10 d6i béng thanh 2 bang déu nhau

n(Q)=C;,.C; =252 ‘

Xét s8 cach chia ma Viet Nam va Thal Lan & cung mot bang:

+ Chon bang (A hodc B): ¢6 2 cach. '

+ Chon nét 3 d6i con lai: b C; cach

+ Chon 5 d6i clia bang kia: ¢6 €} cach

Véy xac sudt can tmh P(4)=

C=a(M)= 2.C) CSHIIZ Suy ra: xacsuatcuablencoM p(M)_W 555

Ciu 47: Pap 4n C.
> Léi gidi: Khong gian mau 13 58 cach ghi nghu nhién 1 day s ¢d 5 ‘chit 88 duge 1ap by
1056 (0,1,.. 9)::>|Q]—105 :
~ Goi A la bién ¢8: "Day s& duoc gh1 lap thanh mét s8 ty nhién khac 0 chia hét cho 9 va
12 56 chan"
Xét cip s6 cong u = 18 =99990 c6 58 hang't(‘)’ng quat u, =18+(n-1)18

=>n=5555={Q,|=5555. Xac sudt 1y P= 5]505 > - 0,05555

Ciu 48: Dap an B.
> Loi gidi: Chon 5 hoc smh trong 80 ban ¢6: C;, cach chon.

Chon 4 ban hoc sinh ¢6 STT nho hon 69 ta cé: C;s cach choﬁ.
Chon 1 ban c6 ST 1én hon 69 ( tir 70 dén 80) c6: C) cach chon.
o CaChy _ 8958235

c;o - 24040016

Vay xdc sué't C&n tim ciia bai toan 1a; P = a gid trf cin tim.

Cau 49: Pap dn D.’
» 'Loi gidi: Goi A: “3 hoc sinh duqc chon cé ca nam va nit”

+ 56 phan tit khong gian miw: n(Q)=C;, =165 _
¥ THI: 3 hoc sinh dugce chon ¢6 I nam va 2 nik, 6 C1LC2 = 7;_5 _
v" TH2: 3 hoc sinh dugce chon ¢é 2 nam va 1 nit, ¢é CiC =

S& phian tir ciia A: n(4)=75+60=135 R

135 9 e S
( )—g——v o . o
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Ciu50: Dap an C.
> Loi giai: Khong gian mau Q 14 tip hop gdm tit ca cic cip hai bd 3 cdu hoi, ma & vi trf
thit nht ctia cip 1a b6 3 cau hoi thi sinh A chon va ¢ vi tri thit hai cta cip 1abd 3 cAu
hoi thi sinh B chon.
Vi A cung nhie B d8u c6 C;; cach chon 3 ciu héi tir 10 cau hai thi nén theo quy tic
nhén, ta c6 #(Q) = (Cfo)

o~

Kihidu X 1a bién cb ”BQ 3 cau hoéi A chon va bd 3 ciu hoi B chon 12 gidng nhau”.
Vi v6i mdi cach chon 3 ciu héi clia A, B chi ¢60 duy nhat cich chon 3 cau héi gidng

nhie A nén #(Q,)=C),.1= C,J(,

Vivay P(X)=" Q)

Ciu 5% Dip 4n D.
- > Lbi giai: Goi A 1 bién & “4 HS durge chon ¢6 & HS gioi, HS kha va HS trung binh”,
S8 phin tix khdng gian miu: | = Cf; = 40920 -
Ta cd cac tm'cmg hop duoc chon sau
(1) ¢ C6 2 HS gisi, 1 HS khé va 1 HS trung bmh S8 cach chon 1a: C3.C},.C, = 5940
(2) C6 1 HS gidi, 2 HS khd va 1 HS trung binh. 58 cach chon & Cj.Cy.C; = 6600
- {(3)C61 HS gidi, 1 HS kha va 2 HS trung binh. 53 céch chon 1a: C,.C},.C, =7260
Ta dugc: |Q,|= 5940+ 6600+ 7260 = 19800
Do dé P{4)= |Q I 15
o 31
- Cau 52: Dap 4n A.
» Li gidi: Chon ngiu nhién 7 béng hoa tir ba b6 hoa ¢6 Cj,
Chgn 7 béng hoa trong do sd bong hoa hbng bang s8 béng hoa ly xay ra cac TH sau:
v TH1: Chon 7 béng hoa trong dd co 1 bo:ng hoa héng, 1 bénghoaly va 5 bong hoa hug
b GCyC; cach.
¥ TH2: Chon 7 bong hoa.trong d6 c6 2 bdng hoa hdng, 2 béng hoa ly va 3 béng hoa hué
¢ C;CICl cach.
' v TH3: Chon 7 béng hoa trong déc6 3 bong hoa hong, 3 bong hoa ly va 1 bong hoa hué
c6 €;C;C; cach.
‘Tix cac TH trén ta 6 CiCIC3 +CF C’ {654 +C3C3C' =23856 cach chon 7 b_(”mg hoa trong

6 s8 bong hoa héng bang s6 béng hoa ly.

23856

Xac sult can tinh 1 P = ~0.2052
. 19380
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cmnh phuc digm 8, 9, 10 bai t3p trée nghiém Gidi tich

* Cau 53: Pap.an C,

> Loi giai: Goi X 12 bién ¢5:"Chia 20 ban thanh 4 nhém A, B, C, D moi nhom 5 ban sao
cho 5 ban nit thudc cing mét thém. :
Ta c6 |Q = CCl,ChC: cach chia 20 ban thinh4nhém A, B, C, D.
Xét 5 ban ni thudc nhém A, ¢é C; 5O 5 C cach chia c&c ban nam vao 3 nhom con lai.
Do vai trd cac nhém nhuw nhau, cé 4CLCEC? cach chia cc ban vao cac nhém A, B, C,
D trong d6 5 ban nit thudc mdt nhém. ' o

' 4CSCHCE 1
Ch 3876

Xac suft c:‘én dm fa: P(X)=

Ciu 54; Dap an-D.
> Loi gidi: Khong gmn mau Q1a tap horp t&t c& céc cach chon ngau nhlen 4 dinh trong
12 dinh :
Ta cé: (€)= sz =495"
Goi A 12 bién ¢8: “4 dinh dugc chon tao thanh mét hinh chit nhat”
Goi dudmg chéo clia da gide déu di qua tim ducmg tron (O) la. dudng chéo 16n thi da
giac da cho c6.6 duredng chéo lon. Nguoc lai, méi cip dudng chéo 1dn cd cac ddu mit
la 4 dinh ctia mét hinh chit nhit. _ - :
Do d6 s8 hinh chit nhit dugc tao thanh 1a: n(4)=C; =
' n(d) 15 1
n(Q) 4_95 "33

Vay xac suft cin tinh 14 P(A) =

Cdu 55; Bap an C.

» Léi gidi: Chon ngiu nhlen 5 hoc sinh trong 35 hoc sinh ctia Iop, co IQ’ Css (cach)
Goi A 12 bién ¢8: "Chon dwgc 5 hoc sinh trong d6 ¢6 it nhit mét em nix"
Suy ra Al bIen ¢d: "Chon dwroc 5 hoc sinh trong dé khéng c6 em niz nao”
Ta ¢6 58 két qua thuén loi cho 4 12 C}, '

C; Cp 2273

= = P(A)=1-2 =227 0 95924

P(4)= AR s, 2387

" Ciu 56: Bdp an B.
"> Tra 1&i: Goi A 12 bién 8 "3 hoc sinh nit du'ng canh nhau”

+ S8 bién c8 dong kha ning: X&p 7 hoc sinh ngiu nhién, cé 0 & hoan vi 1a 7' _

"+ S8 cach x€p ¢d 3 hoc sinh nit canh nhau:

Coi 3 hoc sinh nir 1a 1 phin ti, két hqp 4 hoc sinh nam \ suy ra c65 phan t, 6 5! cach

sdp xep :
Véi méi cach sdp x&p d6 lai ¢6 3! cach hoa.n vi 3 hoc sinh nit: Vay c6 5.3 cach sip xep
5 3

+ XacsuatcuablencoAla P(A) = (P 0,14)
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. (Cdch 2: 7 vi tr. Xép 3 nit canh nhau ¢6 5 cich: (123)...(567) Moi cich xép lai c6 3! cich hodn

. vf nik. C6 4! cdch hodn vi 4 nam. Viy P(A) 5.31.4171=1/7}.

Ciu 57: Pap an C.
> Lo giai: Lay ngau nhién 4 ciu hdi tir ngan hang d& d€1ap mot d8 thi, c6 C) =1365 dé thi

Ban Thuy rit ngau nhién dugc mét deé c6 2 cu da thudc, co C3.C? =588
Ban Thiy rit hgﬁu nhién duge mdt dé ¢6 3 cau da thuéc; 6 C.Cy =392
Ban Thay rit nghu nhién duwoc mot dé ¢6 4 cau da thude, 6 G =70
_588+392+70 10 '

Vay xéac sudt can tim la: P =
1365 13

Cau 58: Bap 4n B.

» Lol gl:u - S5 phan tE ctia khong gian miu (so ket quacod the xay ra): C;

S6 cach chon ba-vién bi c6 d ba mau: 4.3.2 = 24. Do d6 x4c suft cAn tinh 1a P= % = —?

Céu 59: Dap an D.

> Tra lon: M&i cach chon nhém 5 hoc sinth tte 12 hoc sinh 14 mét t8 hop chip 5 cha 12. Vi
véy khéng gian mau O gom: C}, = 792 phin ti

" Goi A 13 bign ¢6 ¢an tim xac suft, B 14 bién c8 chon dugc nhdm gdm 3 hoc sinh nam, 2
hoc sinh nit trong dé ¢ ban An va khong ¢6 ban Hoa. C la bign ¢§ chon duwge nhom
- gdm 3 hoc sinh nam, 2 hoc sinh nit trong d6 ¢ ban Hoa va khong ¢6 ban An.
Nhu vay, 4=BUC va n(4)=n(B)+n(C) :
Tinh n(B):
+ Chon ban An, ¢6 1 cach.
+ Chon 2 ban nam tit 6 ban nam con lai, <6 C; cach
"+ Chon 2 ban nit tr 4 ban nit, c6 C2cach
Theo quy tic nhan: n(B)=1.C2C} =90
Tuong tw, #(C) =1.C.C, =80. Vay n(4)=90+80=170
n{4) _
Xac suat clia b1en c8 Ala P( )=
n(Q) 396

Céu 60: Dap an A.

“» Lai giai: Tong s8 vién bi trong hop 12 24. Goi 2 12 khéng gian mau.

- L&y ngu nhién 4 vién trong hdp ta cé Cy, cach ldy hay #{Q)=C;,
Goi A '1a bién c8 1y dwgc cac vién bi ¢6 dit ca 3 mau. Ta 6 cac trudmg hop sau:
+) 2bi d8, 1 bi vang va 1 bi xanh: 6 C3.Cy.Cy =2160 cach

+) 1bi dé, 2bi vang va 1 bi xanh: c6 Cl.C2.CL =1680 cich
- 4) 1bi d6, 1 bi vang va 2 bi xanh: c6 Cly.C).C? =1200 céch
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Chinh phuyc didm 8, 9, 10 bai tip tric nghiém Giai tich
- Do d6, n(4)=5040 -
A
Vay, xdc sudt bign c§ A la P(d)= a ) 2040
() 10626
- Céu 61: Dap an C.
> Loi gidis n(Q)=C ,
56 cach chon 3 hoc sinh ¢6 ca nam vanizla C}.C}, + C,.C2
2
Do d6 xac suit d€ 3 hoc sinh dugc chon cé ca nam va nit 1a ﬂ-"—éﬂ :(1}
18
Céu 62: Pdp an D.. :
© » Loi gidi: Goi A Ia bién ¢§ "Ba vién bi Ié’}? duoc chi ¢b hai méu"
Ta c6: 56 phan tir ciia khéng gian mau: Cf, = 560
56 cach chon durge ba vién bi chi ¢é mot mau: C; +C2 +CF =49
56 cach chon duoc ba vién bi cd dtt ba mau: CiCiC, =140
' 494140 _53
560 80

Vay xac sult ¢an tim la: P_(A) =

"Cau 63: Pap an D. _ _
» Léi gidi: Chon ngéu nhién méi t6 mét hoc sink: ¢6 C1.CH =49 cach => n(2)= 49
Goi A 12 bién cd L Chon d&c}c 2 hoe sinh ¢6 c& nam va nix”. Cé cac trurdng hop sau:
+ THI: Chgn hoc 1 sinh nit ¢ t6 mét, 1 hoc sinh nam & t8 hai. Cé 4.5 = 20 cach
+ TH2: Chen hoc 1 sirih nam & t8 mt, 1 hoc sinh nit ¢ t6 hai. C63.2=6 cach
_n{4) 26
Tn(Q)

'Cau64 Dap an B.
> Loi gidi: Khong gian mau cé: [ = C] =36
Goi A 1a bién & 1dy duoc hai vién bi cling maw: ]Q ]—Cz +C2 —16
(9]
Xacsuatcuab1enco P l "I 16 il
TR 6 s

Ciu 65: Dap anC. - _ )
> Léi gidi: 58 cach chon ngau nhién 4 cai bt trong 11 céi la: C}; =330= n(Q) 330

Goi A l1a bién c6: “ Trong 4 ci bit 18y duge o6 ca biit chi vabat bi”
. Tinh 86 cach chon 4 ci bat khdng dn ca hai loai:
- Chon du‘oc4ca1 d8u 13 bt chi co: C4 =5 céch
- Chon dugc 4 cai déu 1a bat bic6:C; =15 cich -
"= n(4)=5+15=20=> n(4)=330-20=310
e A
jP(A)__n( ) _310_31 sy P=2L:
. n(Q) 330 33 33
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Ciu 66: Dip 4n B.
» Léi giai:
* 56 phin tir ctia khéng gian miu L Cy, = 4845

* S8 céch ldy 4 qua béng trong d6 khéng c6 2 qua nao cling mau 1a C.CL.CL.C! = 600

'+ % 56 cach 8y 4 qua bong trong d6 c6 it nhat 2 qua béng ciing mau [a:

Cy —CL.CLCLC! = 4845600 = 4245
* Xdacsudt cin tim 13: P _4245 283
. S 4845 323
Céu 67: Pap an D.
> Lot giai: Phep thir T: "L&y ngiu nhién 4 tim bia va x€p thanh hang ngang tir trai sang
Phéi” = 56 phan tir cia khong gian miu la: Q| = 47 =360

- GoiAla bign c8 "X&p diroc mdt s6 tyw nhién gom 4 chir s&8" o

- Giastt n=aa,0,a, 12 56 tw nhién gdm 4 chit s6 khac nhau
Chon a 485 cd 5 cach |

"~ Chon a2a3a4 6 4; céch =Q,|=5. A3 =300

Q| 300 5

7

o 360 6

'Vay xac suét cin fm: P (4 (4)=

Chu 68: Dap &n A.
> Loi gidi: 56 phan tir ctia khéng gian mbu 1a: C;C/C; = 1680

o

58 két qua thuén loi cho bign c8 "Chia 3 t3 hoc sinh déu nhau va m3i t8 ¢6 1 ni" 1a:

' 31C;.CiC = 540, Xac sudt in tinh 1a: P = o0 - 9
1680 28
Cau 69: Papan C.

> Lai giai: 58 phan Hr cia khong gian méu 13 |Qf = C}} = 1365

Goi A 12 bién o8 "Trong 4 ngwedi dwge chon ¢6 it nhét 1 ni”
So két qua thudn lgi cho bién e A 14 |Q,|= C -] =1330

[ _1330 38

Vayxac suAt cantmh ia P(A) ’Q| 1365 39 :

Cau 70: Bap an C.
> Loi giai:
* C6 4 s8co 4 chir s dbi mot khac nhau 14y tle t3p A, suy ra khong gian méu IQf 340
* Goi 58 ¢6 4 chit 58, céc chit s§ d6i mot khdc nhau 14 abed, véia<5 suy ra c6 4 cich
chon a, chon b,&,d ¢6 4;. Vay c6 4.4, s8 dang nay.
Goi Mla"S& 1ap duoc c6 chit s6 hang nghin bé hon 5",
Suy ra |Q,, | = 480
* Xacsult cin tim: P = Ig”' 4A3 —.
) 840 7
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Chinh phuc difm 8, 9, 10 bai tip tric nghlem Gidi tlch

< Nhan xet Cé the gidi ngin gon nhir sau: Do vai b0 ciha cde 56 cita tap A nhv nhau tacé4sd
nhé hon 5 trong 7 s6'dd cho cia tdp A, suy ra xic sudt cin tim la f; _

Ciu71:PapanB.

> Lai giai: S5 céch chon ra 8 ngudi la: C =6435
S8 cach chonra 8 ngu‘m m3 8 nix nhidu hon s§ nam 1a: C;.C; +Cg C2 =540

540 12

X4c suat de chon diege 8 ngudi thoa man La: 6435 7
Ciu72: Dapan C.
> Loi gidi:
+) 58 can tim ¢é dang abc 7
+) n(S)= A
+) B: 'S8 dugc chon c6 tong céc chit s8 bang 8" = n(B) =12
+) Vay xéc sudt can-tim }: P{B)= ]220 0.1

Cau 73: Pap an C.
'» Loi gidi: $6 phén tir ciia tap hop S1a 90.
Goi ab 14 s8 tw nhién ¢6 hai chit s6'ma a, b déu 12 s8 chan. Ta cé:
ac{2;4;6:8),b € {0:2:4;6;8} . Suy ra ¢4 45= 2055 ab
- Xéc sudt d& chon dugc mét s6 ti nhién cé hang chuc va hang don vi déu la s chin Ia
20 _2
% 9
Ciu 74: Pap an D.
» Lo giai: S8 phéan t& cia khéng gian mau L C100 Do tong 3 s6 duoc chon chia het
cho 2 nén ta ¢6 cac trieong -hop saw:.
+ C43s8 déu chin, s6 cach chon la: CJ,
+ ‘Trong 3 58 ¢6 midt s6 chan, hai 56 1¢ 8 cach chon 1a: C'SOCS;’0
Vay xéc sudt tinh du’c_rcl M 1
. i CiOU 2
Ciu75:DipanA. o
> Loi gidi: Goi s8 ¢6 4 chir s61a abed ygi a#0
Socad1thanh1apsoco4chusola 4.5.5.5=500.
Theo gia thiét s6 dang tradc khong thé 12 s8 0. N vy s6 cd 4 chit s6 5 dugc thanh 1dp
tr 1,2, 3, 4; ma chit s§ déng trude nho hon chit s§ dangsauchlco 1 cach d6’ las81234

Vay xac sudt can tim la —
500
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Céu 76: Dip an B.'
> Loi giai: Goi A 1a bién ¢§ “4 vién bi dugc chon c6 du 3 mau va s8 bi dd nhidu nhat”
S6 phan ti clia khéng gian mau 1a n(Q)=C}; =1365
S8 két qua thudn Ioi clia bidn ¢§ A 1a: n(A) CIC,C) =240
Do d: P(A)— 240 16
1365 91
Cau 77: Dap an D.
> Lo giair S5 phin tir ciia khéng gian mau la C' =36

G01 A 1a bién c&: "Két quanhén duoc la s3 & chén".
T ket qua thuén loi cho Ala: Ci.C, +C; . Xac sudt can tim 13 P(A) ==

Cau 78: Dép an B.
"> Lai gidi: Goi T 1a phép thir: Chon ngau nhin 4 qua ciu tir hép
= 5§ phin tit ciia khng gian méu 1a #(Q) =/, =1365
Gol A 12 bi&n ¢8: "4 vién bi chon ra khdng ¢6 da ca 3 mau”
Khi d6 bign o 4 1&: "4 vién bi chon ra ¢6 di ca ba mau"
¥ TH1: 4 vién bi duege chon €6 2 bi do, 1 bi trdng va 1 bi vang = 58 cach chon a C2.C.C!
. TH2: 4 vién bi durgc chon ¢6 1 bi do, 2 bi tréng va 1 bi vang = 58 cach chon 1a C,.C..C;
v TH3: 4 vién bi duge chon cd 1bi 46, 1 bi trdng va 2 bi vang = 58 cach chon 1a C CiC
= n{d)=CLCL.CL+CL.CLCL+CL.C c2 =720
_, 43
P(4)=1-P(4) o

n(4) 720 48
n(Q) 1365 91
~ Céu 79: Dap-an C.

Dodo P( )

> Léi giai:

* Trudmg hop 1: 2 cdu dé, 1 cAu trung binh, 2 ciu khé. 58 cach chon 1a: C5.C,.C;
*. Truong hop 2: 2 chu dé, 2 cdu trung binh, 1 cau khé. S8 cach chon 1&: C}ES.C,'U.Cf
* Trudnghop 3: 3 cau d&,.1 cau trung binh, 1 cau khé, S8 cach chon 1a: C.CL.C]
Do dé s8 cach chon la: C%.C),.C2 4+ CL.C2.Cl+C2.CL.CL=56875 cach

- Céu 80:-D;’1p inB.

> Léi gidi: - S8 cach 14y nghu nhién 3 tdm thé trong hop 1a: Cj,

- Trong 40 t&m thé do6 cé: ,

39-3 Y '
+1=13té'mthémang56’d1iahé’td103

40-1

; —3—+1—14tamthemangso chia3dwl.

38—

‘+] =13tdm the mang 56 chia 3du 2
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Chinh phuc diém 8, 9, 10 bai tip tric nghlgm Gidi tich

. D& tdng 3 56 gh1 trén 3 tam the lasd chla hét cho 3 thi pha1 Xay Ia cac tru’orng hep saw:

Cas so déu chia hét cho 3: c6 C,
Cé3s8déuchia3dduel:cd Cf4

Ca 358 déu chia3dw2: c6 C)j :
C6 158 chia het cho 3,1 s8 chia 3 du’ 1,158 chia 3 dur 2: ¢6 C),.Cl,.C!, cach
C,33 +Chy+C;, +ClL,.ChL.Cl, 127

o - = 0,33
Ca 380

Suy ra xac sudt can tinh la: P=

Ciu 81: Dap an B.
> Lo giai: Goi 113 khéng gian- m-au A la bién ¢8 “2 hoc sinh duoc chon gbm ci nam va

o rr

nix”. )
S8 phian t&r khong gian méw: #(Q)=C} =66
sa’tmemg hop thuan Igi cho A 1a n(4) = C{.C} =35

(A) 35

()66

Xac suat clia blen G A Ia P(A) & 55, 03‘V

Cau 82: DapanB.
> Lo gidi: Khong gian mau Q1 tap hop tdt ca cac cach c_hon ngau nhlen 4 dinh trong

12 dinh

. Tacé: n(Q) T o

Goi A 1a bién cd: “4 dmh duwoc chon tao thanh mdot hinh chit nhat” _ .

Goi duong chéo cira da gidc déu di qua tam duong tron (O) 1a dudng chéo 1én thi da
gidc da cho c6 7 dwdmg chéo 16n. Nguoc lai, mdi cip dudng chéo 16m ¢ cac dau muit
12 4 dinh ctia mét hinh chit nhit. :

Do d6 58 & hinh chit nhat dugc tao thanh I n(A) =

n(d) G __3_

n(Q) Ci 143

Viay Xéc sujt ¢an tinh 13 P (4)=

Ciu 83: Pap an D.
> Loi gidi: S8 phan tie ctia khéng gian mau (s8 két qua cd the xay ra): Cj,

S5 cach chon ba vién b1 co da ba mau: 54.3=60. Do dé xac sudt can tinh 3
60 3 : o
T

Cau 84: Pédp an B. ‘
> Lo giai: Chonngau nhién 1 mi t3 mgt hoc sinh. C6: Cy.Cly =117 cach=> n(Q} =117

Goi A 1a bién ¢8: “Chon du’c_rc 2 hoc sinh c6 ca nam va ni#”. Cé cc truedng hop sau:

+ THI: Chon hoc 1 sinh ni & t8 mét, 1 hoc sinh nam & t6 hai. C6 4.6 =24 cach -
+ TH2: Chon hoc 1 sinh nam & t8 mét, 1. hoc sinh nit & t8 hai. C6.5.7 =35 cach

n(A4) _5

n(Q) 117

Theo quy tic cong = n(4)=59=> P(4)=

340
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Phin
BAl TOAN BlEN LUAN TINH LIEN TUC
CUA HAM SO

Pxr2-2

,x<A2
 Cau L: Gid tri cia s A€ ham 56 f (x) = ,xl—z lién tuc tai x =2 B
ax-i—z ,x;z 7
A3 ’ B.0 - C.1 D.2
A : L 3-x
ar *’XIB - . - s L - &
Cau2:Hams8 f(x)=qJx+1-2 lién tyc tai x =3 khi m cd gia tri bang:
,x=3 _
A B C. 4 D. -1
- Vx+4-2
MR =0 .
Cau 3: Hams8 f(x) = ’; lién tuctai x = 0 khi:
2a--— x=0
4
A a=3 Ba=% C.a=2 D.a=1
[ -2 Ly
 CaugHamsS f(x)=1 V553 lientuctai x=4 ki
| | 772
A.g=3 B.a=2 . Coa=0 D.a=1
| ' 7 (V2x+1-x+5 4 '
‘Caub: Hams§ f (x) =4 x—4. > ¥ lién tuc tai x = 4 khi:
% ka,+2 ,x:4
A a=3 B.a=2 C a=-1 D a—z
.a= L= . 7 D. 3
' . x2—Tx+6 Khix>6
Céu 6: Gid tri cham d&hams§ f(x)=1" x—6 *  kién tuctaixo=6la:
) 2mx+3,khix<6 -
AL Bl cl D.0
10 6 . 5
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"~ Chinh phuc diém 8, 9, 10 bai tip tric nghigém Giai tich

Ciu 7: Gia tri clia 2 d€ ham s& sau lién tuc tai x =2 1a:

ho3 2

2x° +3x° +4 Khix % -2
Hx) =1, x2+2 _

art Khi x = 2

x+1 ) _
A7 B.5 C. -5

Ciu 8: Gia tri ndo sau ddy ciia a d&€ ham sd sau lién tuc tai x =27

x3 -3x+2 .
f(x) khi x = -2
a’ +ax+1 khix=-2
5 1
A. = B = e——
73 =73 c.0

LS GIAI CHE TIET
Ciu 1: Pap an B.
> Loi giai: .
Tacé fim 3254272 figy 3(x-2)
.:-—»2'_! x—-2 "_’2—1(;-2)[(-\3}3x+2)-,+2\}3 3x+2 +4i|
_ lim. 3 -1 o
=7 (J3x+2) +233xe2+4 4

_ N1
] +—|=2a+—=f(2).
,';z*.[ﬂx 4] aty=7(2)
Yéuc‘éubéi_toén@?&+i—=%®a=0.
Céiu 2: Pap an C.
> Loi gidi: T o :
: 3_x '(3;x)(Jx+1+2)
Ta céd lim =]im—
x—=+3 \[x+1 2 .\"-)3 . x=3 x—3

Vayhamsohentuctalx 3o m=—4
- Cau 3: DapanB '

» Loi giai:
Ta o lim ¥ 472 _jim x lime—— =1
=X *”’“x(\/x+4+2) =0 fxrda+2 4

342
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' Yéu ciubai todn < 20— =L e gz
s 4 4 4
Cédu 4: Dap an D.

> Loi gidi:

Ta ¢ lim =1

e fxe5-3 xﬂ(x—zi)(«/}ﬂ) «/_+2 2

iz o (-a)dEesea) . T3 3

Yéu caubdi todn<> f{4)=da-==Za=1.

[N

5
2
Ciu'5: Pap én C.

> Lai gi:ii

\/2x+ —~x+35 : -4 1

1
Ta 6 lim =lim =lim——==
R x—4 ’f’q(x—4)(v'2x+1+\}x+5) 4 2x+1+/x+5 6
-Yéﬁ.c‘éubéitoénﬁa+2=é®a=—~161-.
Céu 6: Dap 4n B. _
2 : -6){x—1
< C6 lim (2mx+3)=12m+3= £(6), lim = 756 _ gy (2O
r-»& xr—6 x5 x-—6
Yéu chu bai toan <> 12m+3 = S@m—%
' ' - Tx+6
Co Ilrgl(me+3) 12m+3, 116—-—-416,(;: 1)=5f(6)=12m+3.
X . X xX— X—>
' Yéu_c‘éub‘ai t(éé.n @12m+3:5@'m=%.
Cau7:PdpanD. ,
L2434 +2)(2x% —x+2 ,
Co lim 3% 4=1im(Jr (25 = )=lim(2x'—x+2)=l2.
. x—3=2 x4+2 Cxs=l x+2 ] .
~ Ham s8 lién tyc tai x=—2@f(—2)=ﬁ2,a-2:12¢>a:—7.
Cau 8: Dap 4n A. ,
- -1 1)
o tm B2y O N CAR) I Gl
x—-2 4_x :—)—2 (x+2)( ) =21 P 4
‘ ' ' 5
. o ' 9 3 %72
‘D& ham s8 lién tuc tai x=_—2@f(—2)='az—.2a+l=z¢>la~]|=5{i} v
CI=5
343
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Chinh phuc dlem 8,9, 10 bai tap tric nghlem Gidi tich

CHrING MINH pHUdNG ’l’RlNl—l co NGHIEM
DUA VAO TINH ui:N TUC

» Vin dé1: Bii todn vé sd lwong nghiém ciia phwong trinh:

Bai todn ching minh phuong trinh f()=0 c6 nghiém thuéc khodng(a;b)
* Néu f lién tuc trén doan [a;b] v f (a).f(b)<0 thi ¢6 it nhﬁt mét gid tri ¢ thudc khodng
(a;b) sao cho £(c)=0 hay phuong trinh f{x)=0 cé nghiém x = ¢ thudc khoang (a;b}
> Bai tdp: :
Vidul: Chu'ng minh phu*ong trinh 2x +3x=4=0c62 nghlem trong khoang (-3; 1).
Giai: :

Xétham s& f(x)=VT lién tuc trén R.

7(0)-£(3)<0

F(0).£(1)<0 |

Suy ra phiong trinh d3 cho c6 it nhit mét nghiém trén mdi xhoéang (-3;0),(0:1).

Co 7(0) =, £()=1, e9)=3 -{

Hay ta c6 dpcm

Vi du 2: Chitng minh ring -phu’ong trinh % + —2012=0 c6 dling hai nghiém

oy,
duong phan biét.
: - Giai:
Didukién x >v2 vix>0.
Xétham s8 f(x}= X+ —2012 véi x>J_

Jx_-_i

f'{x)=5x*- ; Fr(x)=20%" + ——— >0vmVx>J—
,f x - ,/ x —2

Vif (x) =0 vd nghlem nén f'(x) = 0" ¢6 nhidu nhét mot nghiém, suy ra f(x)=0 ¢
nhiéu nhét hai nghiém. ‘ '
- Mat khac, llm f(x)u s lirn‘f(x)=+00, f(\/g)<0' nén f(x)=0 6 hai nghiém

x=f2" .
x (V2 f ) x, €(3;+0) (dpam)
Vidu3: Chu’ng minh phwong trinh sau dy ¢ nghiém:x’ +x-1=0
- Giai:
Pit f (x) =x’+x~1, ham da thuc nay du'o'c x4c dinh trén R nén lién tuc trén R (do do

lién tuc trén m01 doan [a;b])
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Tacs £(0)=-L£(1)=1(0)£(1) <0
Vay phuong trinh trén ¢é it nhdt mét nghidm thudce khoang (0;1)

Vi du 4: Cho cac phét biéy saw

(1): Phurong trinh x* 3% +1=0 ¢ nghlem trén khoang (-1 3)?
(2): PT sauzcos 2x = 2sinx ~2 ¢4 it nhat hai nghiém trong khoang (—%; :-rj
(3): x* —5x —1=0 ¢6 it nhit ba nghidm
(4): Phuong trinh x® —3x+1=0 c6 it nhét 2 nghxem trén (-2;2)
. Hoi ¢6 bao nhigu phat bidu ding

Al _ B2 C3 D4
: | ' Gidi:

ChonD. .
(1): Xét ham 8 f(x)=x"-3x’ +1, ham nay lién tuc trén R.

£{-1)=5>0:f(3)=1>0, nén ta khong két lusn duge PT c6 nghiém trong khodng
(—1;3) hay khéng? -
Nhung néu xét tén doan [-1;2] ta c6 £(-1)£(2) =5.(-7) <0 nén PT c6 nghiém trén
khoang (~1;2), nén c nghiém trén khoéng (~13) ' :
Bai n&y nhic nh¢ ching ta ring, dinh H trén chi 1a mét digu kidn da dé PT c6 nghiém,
chi khéng phai 1a dk cin d€ mét PT cd nghiém.
(2): Xét ham s(‘)’f(x) =cos2x—-2sinx+2 lién tuc tin R.

f(—;)= cosnf2_si.n-72£+2'= -1<0

f(n)= cédsZn—Zsinn+2=3 >0
Do d6 PT ,cc'su}’t nh&t 2 nghiém thudc khoéng cac khodng (—g;gj,(g;nj, hay nd.co it
nhét hai nghiém thudc khoang (—g;n)
(3): Xét ham s8 f(x)=x"-5x—1 lién tuc trén R
7 f(¢2):—23<0,f(—w1) =3>0f{0)=-1<0;f(2)=21>0
A- , Véy PT trén ¢6 it nhat ba nghiém {an hegt thude céé khoang (—2; —1), (—1;0),(0;2)
- (8): Chimg minh phuong trinh x* - 3x+1=0 ¢6 it nhat 2-nghiém trén (~2;2)
Taco: £(-2)=—1; £(0)=1,£(1) =
Do dé: £(2)£(0)=—1<0; £(0).£(1) =—1<0.
Véy phuong trinh c6 it nhat hai nghiém trén (-2;2)
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Chinh phuc diém 8, 9, 10 bai tap tric ngfue;m Gidi tich o : ' )

Vidub: Cho cac ménh de sau: _
): Phuong trinh 2x° ~10x—7=0 chi c6 1 nghlem
(2): Phurong trinh sau. ¢6 nghiém: 3++4=8*
(3): Phwrong trinh sau cd: sinx +1 =x ¢6 thé vd nghiém
C6 bao nhidu ménh dé sai .
Al ' B.2 : Co D.3
| | . Gidi:
Chon D |
- (1) Sai: Xét hams8 f (x) vr 11en tuctrén R,

{ F(0) f(3) <0
5 - @r(-n)<0
Suy ra phuong trinh dé-chd ¢6 it nhat mot nghiém trén mdi khoang (—3),(-1;0).

Co f(0)=—7,f(—1)=1,f(3)=14

- {(2): Phuong tinh sau 6 nighiém: 3x+4'=5%
Xétham s8 f(x)=3"+4" ~8", khi d6 ham s§ f (x) xéc dinh va lién tyc trén R. Mit
khac f(0).f (1) =-1.1<0 nén tén tai x, € (0;1) sao cho f{x,}=0, hay phu’cmg trinh hadn
cé nghiém. - : :
- (3): Pmiong trinh sau c6 nghiém: sinx +1 =x
Xét ham s8 f(x)=sinx +1-x, khi d6 ham s8 f(x) xéc dinh va lién tyc trén R. Mt
khac f(0).f(x)=—-z+1<0 nén tdn tai x, € (0;7) sao cho f(x,) =0, hay phuong trinh
ludn cé nghiém. - -
BAITOAN CO THAM SO M
Vi du 6: Chtng minh phurong trinh sau c6 nghiérh véi moi m.
(m6 ~m +1)x2012 +2x-1=0.
| | Giai:
f(0)=-1f(1)=m® ~m+220 .
= (0} (1)<0: Viy phiong trinh ¢6 nghiém véimeim -
Vi du7; msin2x+2(sinx—cosx)=0
Diit t = sinx —cos X . Phuieong trinh ti&p tuyén: -mt? ~2t+m=0
Ta cé: 2f(0)+f( J§)+f(J§) 0 o
Vay phuong trinh ¢6 nghlem thude [ —2;42 ] ot= sinx—cosx cd nghiém
=dpem '
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Vi du 8: Chiing rninh phuong trinh 3m2x + (2m + 5)x2 + 4m2 — 3 = 0 ludn ¢4 it nhdt mdt
- nghiém duong Vm.
: ) Giai:
Xét f(x)=VT lién tuctrén R. |
C6 f(0)=-3, F(1)=Tm* +2m+5>0=> £(0).f(1) <0.
Suy ra phuong trinh da cho ¢6 it nhit mdt nghiém thude (0;1).
Suy ra digu phai chiing minh. :
Vi du 9: Chiing minh phuong trinh sau: f (x) = mx°® + 2x~3-m =0 6 nghiém véi moi m.
_ Giai:
- Rérang ham s& f(x)= m(x" ‘—l)+3x+2 lién tuc trén R
Ta chon cc s8 thye sao cho gia tri ham s6 tai d6 triét Héu m: f(;l) =-1<0; f(1})=5>0
Véy phuong trinh 6 it nhat mot nghiém thudc khoang (—1;1)
' Vidu 10: Chimg minh phuong tinh n(x-3)(x-5)+x— 15=0 lubn ¢6 nghiém véi moi m.
T ) - Giai:
Xét ham s8 f(x)=m(x-3)(x~5)+x"~15, khi & ham s8 f(x) x4c dinh v2 lién tuc
trén R. Mé_itr khic f(3).f(5)=-6.10< O,Vhf nén ton’ tai x, €(3;5) sao cho f(x,)=0,
- Vhéy phuong trinh luén ¢6 nghiém khi m thay d6i.
O BAi toén trkc nghiém:

= m, m la tham s8.

+

. sinx  cosx
AKhongtdntaim B.Chikhim=1 C.Chikhim>1 D.V&i moi m

Cau 1: Bidu kién d€ phuong trinh sau ludn cé nghiém

Cau 2: Cho phuong trinh (m2 + 1) (x2 -3x+ 2)20” -3x+4=0
~ C4c phat bidu:
(1) Phirong trinh trén v6 nghidm voi moi m
(2 XKhim=1 phvzdng trinh trén cd nghiém
(3} Khéng ton tai m d€ phuong trinh trén v6 nghiém
. Chon dép an dang: .
A1) ding B.(2),(3) ditng CABdeuding  D.TAtca déu sai
_Ciu 3: Phuong trinh (m" +m+ l)xm” +x7=3220
(1) Phuong trinh trén c6 it nht mét nghiém duong v6i moi gid trj cia m.
(2) Phuong trinh trén v6 nghiém
(3) Phuong trinh trén c6 nghidm véi moi m
Chon d4p én'déng .
© A.CA43dedsai BCa3ddeuding  CChicé(l)ding  D.1),(3) ding
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Chinh phuc diém 8, 9, 10 bai 3p tric nghigm Gisi tich

LSI GIAI VA DAP AN
Ciul:Dapan D.
> Loi gidi _ ‘
Xét ham s6 f(x) =r—_1——-+—-3-——'m, khi dé ham s8 f(x) xac dinh va lién fuc frén (E;;r).
sSinx  ¢osx : 2

Ta ¢é: lim f(x)=—co nén t6n tai ae[%;%a—a)c(g—;ﬁ) sao cho f(a)<(_)

x-;-;—
va Iihl__f(x) =400 nén fon tai b e (z-&;7)c [g—;z] sao cho f(b)>0

vdi e > 0 di bé sao d\Q(%;%-P&')ﬂ(ﬂ'—E;ﬂ'):gf.

Do.d6 f(a).f(5)<0 nén tdn tai x, € (a;b) sao cho f(x,)=0, hay phuong trinh ludn
6 nghiém. - ' b B

Ciu 2: Ddp 4n B.

» Loi gidi: Ta c6 £(1).f(2) =2 <0, nén phwong trinh 6 it nh&t mdt nghiém trén khoang
(1 2) Vay phucmg trinh luon co nghlem voi moi m.

Céu 3: Dap an D.

> L gidi: Ta o6 m* +m+1>0,Vm, £(0).F(2) =—32(m" +'r'ﬁ-+l).22"” <0,¥m, suy ra phuong

trinh luén ¢ it nhat mdt nghiém duong trén khoang véi moi m. -

O Bai toan nhiéu tham sé:
Ciu 4: Cho 3 58 a,b,c thod lZa+15b+20c = O Chu'ng mmh phuong trinh @’ +bx+c 0
ludn cé nghiém thude doan[O 4/5] :

Xét ham s& f(x)=ax2+bx+c khi d6 hé\m s8 f(x) xac dinh va lién tuc tén R.
4 ' 75
Ta co: f(——)u]—6—a+4b+c nén —f(—) 12a +]5b+TC

JO)=enenl 7O =3 o

Do dé Ef(i)'—+—§-f(0)=12a+15b+20t:'=0 suy ra mf)t'tr'ong hai gié tri vf.(g),f_(O) cd

mot gid tri am va mot gid tri dwong, hodic ca hai gia tr déu bang 0.

= Djéu phai chitng rmnh
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Cau 5: Ching minh phiong trinh ab(x-a}(x-b)+be(x-b)(x-c)+ca(x-c)(x-a)=0ludn cé nghiém
Vol moi a,b,C. _
_ Giai: :
Dit f(x)=ab(x-a){x-b)+ be(x—b)(x—c)+ca(x—c)(x~a), tacd f(x) lién tuc
ten R, va: f(a)=bela—b)a—c)
fBy=acb-ayb-c)
fFle)=ablea)c - b)
= F(@)f (B).f(0)=~a*bcX (@~ bY:(b -V (c —a)? <0,Va,b,c ,
+ Né&u f(a).f(b).f(c)=0, thi mdt trong ba gi4 trj a,b,cla nghidm ciia phirong trinh f{(x)=0
o N&u f(a).f(5)./(c)<0 thi ton tai %, & {a.b,c}, ¥, #0 vi a,b,c khic0sao cho f(x)<0,
'ma f(0)=a’b? +b%* +ca’ > 0 nén S{x).f(0) <0 do do6 phuong trinh f(x)=0 ¢6

nghiém. .
Céu 6: Ching minh céc phurong trinh sau ludn c6 hai nghlem i’ + o+ ec-2= 0
Giai;
Xét ham s8 f(x)=x"+ax’ + bx’ + cx -2, khi d6 ham 8 f(x) xdc dinh v lién tuc
trén R.

Ta cd hm f(x) +onén ton tai p <0 sao cho f(p)>0 ta lai co f(0)=—1 va hm f(x) +eo

nén ton tai q>0 sao cho flg)=0 _
Do do f(p)f(0)<0 va f(0)f(q)<0 suy ra phuong trinh f{x)= 0 cé it nhat hai nghiém
phan biét.

1

X—a x+

Céu 7: Cho @ >0,b>0. Clwing minh rang phuong trinh — + =0c62 nghiém
. x :

phén biét thut’_ic (a;b)

Giat:
i 1 xz0Ax=zanx#-b
Tacd —+ + =
X x-a x+b {x— a)(x+b)+(x+b)x+x(x ay=0

Dat I (x) (x— a)(x+b)+(x+ b)x+x(x—a) tacoham s6 f(x) xdc dm.h va lién fuc trén R.
Tacd f(-b)=b(b+a), f(0)=-ab<0, f(a)=a(a+b) nén f(—_«b).f(O) =fab2(b+a) <0
va f(0).f(@)=~a"b(b+a) <0 _

Do d6 phuong trinh dd cho ¢6 hai nghiém phéan biét x,,x, thoa mz”m —b<x <0<x, <a

Céu 8: Cho a, b, c la céc s6 thuc c6 tdng khac 0 Chirng minh phu'cmg trinh sau ludn cd
. nghiém.

(x—b)(?c—c)+b(x—c)(x—a)+c(x—a)(x-—b):O (1)
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Chinh phuc di€m 8, 9, 10 bai tdp tric nghiém Giai tich .

Giai: .

Xét £(x)=a(x—b)(x—c)+b(x—c)(x,)+c(x~a)(x~b) litn tuc trén R

f(a)=a(a-b)(a—c), f(b)=b(b-c)(b-a), f(c)=c({c—a}(c-b), f(O) =-3abc

£{0)f(a)£(b)f(c)= —3|:abc(a—b)(‘a—c,)(c—a)]-2 <0nén ton tai p,qe{a,b,c,0} sao

cho f(p)£(q)s 0.Vay phuong trinh d3 cho uén c6 nghiém.

Céu 9: Chimg minh: asin3x+bcos2x+ccosx+sinx =0 phuong trinh ludn cd nghiém. :_

Vdia, b, cla ﬂxam s0. : {
Giai:

Xét ham s6 f(x)=asin3x +bcos2x +ccosx + siny khi d6 ham s8 f(x) xac dinh va lién

tuctrén R.

Ta co:

fOy=b+c f(§)=—a—b+1

flm)=b-c f(%’r)=a—b—] _

Neén £(0)+ f(§)+ f@+ f(%ﬂ) = 0;Va,b,c do dé fon tai hai gid tri p, qthude {o;g;zr%”}

sao cho f(p).f{g) <0 hay phuong trinh luﬁn co nghiém.
Ciu 10; Chitng minh phuong trinh sau ¢ nghiém thude khoang (0;21)
acos2x+bcosx +csin2x +dsinx =0
. Giai:
Xét ham s6 f{x)=acos2x + beosx +csin2x +dsinx, ham nay lién tyc tén R,

f(0)=a+b; f(g)=acosn+bcosg+csinﬁ+dsin§=—a +d
f(n)=a-b; f(3-§]-_—=—a—d

‘Ta thdy: £(0)+f (g) +f( 1:)'+ f (3%) =0
Nén phai fn tai it nhét 1 cip tréi déu, hodc ca 4 gié tri trén bing 0. -
Do d6 hign nhién phuong trinh tén c6 nghiém thudc khoang (0;2m)
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