CHUYEN DPE

SU DUNG PHUGNG PHAP HINH HQC
GIAI BAI TOAN TIM GTLN - GTNN MODPUN SO PHUC

A. KIEN THUC CO BAN
1. Piém Torricelli: Cho tam giac ABC c¢6 goc 16n nhit khong qua 120°. Piém Torricelli cta tam
gidc ABC 1a diém T nam trong ABC va co tong 3 canh TA+TB+TC = p+q+r nho nhat. Bé
tim ra diém nay, ta dung 3 tam gidc déu ACM, BCN, ABO: giao diém cua 3 duong tron ngoai
tiép ctia 3 tam gidc déu nay (hodc giao diém ciia AN, BM, CO) chinh 1a diém Torricelli ma

chung ta can tim.

2. Bit d:zlng thire Cauchy-Schwarz: Véi hai day sb thuc a,,a,,...,a, va b,b,,..,b taludn cod bat
dang thirc sau
(al2 +a,’ +...+am2)(b12 +b,° +...+bm2) >(ab, +ab, +..+a,b,)

r \ a
Diubang xayrakhi - =—2=...=-"2
sx b, b, b




i

3. Pinh Iy Ptoleme hay ding thiic Ptoleme 12 mot dang thtrc trong hinh hoc Euclid miéu ta quan hé
gitta d6 dai bon canh va hai dudng chéo ciia mot tir gidc nodi tiép. Pinh 1y ndy mang tén nha toan

hoc va thién vin hoc nguoi Hy Lap c¢6 dai Ptolemy (tirc Claudius Ptolemaeus).

Néu A, B, C, va D 1a 4 dinh cua t giac ndi tiép duong tron thi: AC.BD = AB.CD + BC.AD

4. Bit dang thirc Ptoleme 13 trudng hop tong quat cta dinh 1y Ptoleme dbi voi mot tir giac bat ky.

Néu ABCD 1a tir giac bat ky thi 4C.BD < AB.CD+ BC.AD . Déau bang xay ra khi va chi khi tir

giac noi tiép trong mot duong tron.

5. Dinh li Stewart: Goi a, b, va ¢ 1a d0 dai cac canh cua 1 tam giac. Goi d 1a d6 dai cua doan théng
ndi tir 1 dinh ctia tam giac v6i diém nam trén canh (¢ day 1a canh c6 do dai 1a a) dbi dién v6i dinh

do.

Poan théng nay chia canh a thanh 2 doan c6 d dai m va n, dinh 1y Stewart néi ré“lng:
b*m+c*n= a(d2 + mn)
B. BAITAP
Cau 1: Cho s phic z théa méin |z—2—3i| =1. Gia tri 16n nhét cua ‘Z+ 1 +i‘ la
A 1342, B. 4. C.6. D. V13 +1.

Loi giai




Cau 2:

Goi z=x+yi tacd z—-2-3i=x+yi—2-3i :(x—2)+(y—3)i.
Theo gia thiét (x—2)2 +( y—3)2 =1 nén diém M biéu dién cho s6 phic z nam trén dudong

tron tam /(2;3) ban kinh R=1.
M2

Taco [F+1+i) =|x—yitl+i =|(x+1)=(y=1)i] =y(x+1)’ +(y-1)" .
M

. N ) X _ 2 IRy
Goi M (x:y) v H (11 thi HM = J(x+1) +(y-1) .’ ;
Do M chay trén duong tron, H co dinh nén MH 16n nhat khi M 1a giao cia HI véi dudng
tron.

x=2+3¢
Phuong trinh HI :{ 340 giao cia HI va duong tron tmg voi ¢ théa man: 9¢° +4¢° =1
y=3+

1 3 2 3 2
St=t——nén M| 24——=33+——=|, M| 2———;3———.

J13 [ J13 \/13j ( J13 \/13j
Tinh d6 dai MH ta ldy két qua HM =1++/13 .

Cho s6 phirc z théa mén |z—4|+|z+4|=10 .Gia trj 1én nhat va gi4 tri nho nhat cia |z| 1an luot

la.

A.10 va 4. B.5va4. C.5va3. D.4va3
Loi giai

Chgn C
Y

R
™
oo
NoN p -
RN

-3 Br

Goi z=x+yi, (x,y €R).Theo gid thiét, ta c6 |z —4|+|z+4|=10

<:>‘(x—4)+yi‘+‘(x+4)+yi‘:10 <:>\/(x—4)2+y2 +\/(x+4)2+y2 =10 (*)
Goi M (x;y), F,(—4;0) va F,(4;0)
Khi d6 (*) < MF, + MF, =10 nén tap hop cac
diém M (z) 1a duong elip (E).
Taco c=4,2a=10<a=5vab’=a’-c*=9
e

Do d6, phuong trinh chinh tic cta (£) la % rye

Véy max|z|=04=04'=5 va min|z|=0B=0B'=3 min|z|=0B=0B'=3




Cau 3:

Cau 4:

z—2i

Xét tap (A) gdm céc sd phtic z théa man 1a s6 thuan 4o va céac gia tri thuc m, n thoa

i
man chi c6 duy nhat mét sb phitc z € (4) théa man z—m—ni|:x/§. bat M =max(m+n) va
N =min(m+n). Tinh P=M +N?
A. P=-2. B. P=-4. C. P=4. D. P=2.

Loi gidi
Chon C
Gidsw z=a+bi, (a,beR) thi |z-2i|=|7+2+4i| < a=b-4 (1)

z-2i _a+(b-2)i [a+(b-2)i][(a—2)-bi]

Ta co
z-2 (a-2)+bi (a—2) +b?
_ a(a—2)+b(b—2)+|:(a—2)(b—2)—ab:|i
(a=2) +b
z—2i

Vi 1a 56 thudn do nén a(a—2)+b(b-2)=0 < (a—1)" +(h-1)" =2

z-2
Ta ciing co (a—m)2 +(b—n)2 =2
Vi chi c6 duy nhat mt s6 phic thoa man nén hai dudng tron (C,) ¢6 I, (1;1), R =2 va
dudng tron (C,) ¢6 I, (m;n), R, =~/2 tiép xic nhau.
vay |1l =R+ R = 22

LI, =|R —R,|=0

Trudng hop 1,1, =0 (khong théa man) vi liic d6 hai dudng tron tring nhau nén c6 vo sb (a;b)
thoa man (a—1)" +(b-1)" =2. Vay [, =232 & (m—1)’ +(n-1)" =8.
Ap dung bt dang thirc Cauchy — Schwarz, ta o :
|m+n—2] =\(m—1)+(n—1)\s\/(12 +)((m=1)"+(n=1)") =4
=>-A4<m+n-2<4<-2<m+n<6

M=6
N=-2

Suy ra {

Xét cac s phite z thoa |z+2—i|+|z—4~7i|=6v2. Goi m, M 1an luot 1a gia tri nho nhit va

gia tri 10n nhét cua |z—1+i|.Tinh P=m+M.

A. P=13+73. B.P:M. C. P=52+73. D.P:@.
Loi gidi

Chon B

Taco w=z—-1+i=a+bi; a,beR

|(z—1+0)+3-2i|+|(z=1+1)+(-3-8i)|=65/2 < |w+3-24+|w 3-8 =632
Do d6 xét cac diém M (a;b), 4(-3;2),B(3;8), ta co:
672 = MA+MB> AB =642




Cau 5:

Cau 6:

Déu "="xdyra < M €[A4B],dod6 b=a+5 va -3<a <3,
|w|:m=\/a2+ a+52:\/m

m= mmm—— M = maxm \/_
52+ 2473

2
Cach 2: Cling tuong tu nhu trén, ta co:

5\/_

Vay P=
|w|=0M >d(0;4B) = =OM <0B=1T3.

5\/§+2\/%

2

Vay P=

Cho s6 phtic z théa man |z -3 +4i| +|z -2+ 3i| =+/2 . Ménh dé nao sau day dang?

A.%SMS\/B. B.%SMSS. C. 1<|2|<13. D. V13 <[7]<5.

Loi gidi
Chon D
Tacod z=a+bi; a,beR.

Xét céc diem M (a;b), A(3;—4),B(2;-3), co: J2=MA+MB> AB=42.
Dau "=" xayra < M e[AB].

Ta c6 phuong trinh AB:x+y+1=0=a+b+1=0 va 2<a<3.
Do d6 |W|=\/aZ+b2 :w/az+(a+1)2 =+2a* +2a+1 e[\/B;S], Vae[2;3].

Cho sb phitc z théa min |z—2-3i|+|z+4+5i|=10. Goi M,m lan luot la gi4 trj 16n nhat va
gia tri nho nhat cta |z—1+i| . Tinh P=M.m.

841

A.Pz?. B. P=697 . C. P=541. D. P=

841

3
Loi giai

Chon A

TacO w=z—-1+i=a+bi; a,becR

(z=1+0)+(=1=4i)|+|(z=1+0)+(5+4i)| =10 < |w—1—4i]+|w+5+4i|=10
Do d6 xét cac diém M (a;b), A(1;4), B(-5;—4), ta co:

10= MA+MB > AB =10.

Dau "=" xay ra <:>Me[AB],dod(') 4a-3b+8=0 va -5<a<l.

2 2
w|= a7+ 7 = az+(4a3+8j _V/254° +64a + 64

3

2
_ o V25 +64a+64 ( 32) 8. 11— max Y254 +4at64 o o
&5 3 25) 5 i) 3




Cau 7:

Cau 8:

Cau 9:

841

Vay sz.Mz?.

Cho s6 phiic z, thoa min |z1 —2|2 —|z1 +i|2 =1 va s6 phitc z, théa man |22 —4—i| =/5 Hoi gia

tri nho nhat |z, —z,| 1a?

A.%. B. /5. C. 2.5. D.%.
Loi giai
Chon D

Dit z, =a+bi; a,beR va z, =m+ni; mneR.

Taco: |z, -2 |z, +if =1

e[(a-2) 407 || @ +(b+1)" | =1 2a+b-1=0.

Tuong tu ta co |22—4—i|:x/§

& (m=2) +(n-1) =5.

Khi d6 xét céc diém M (a;b),N (m;n), tacé: M ed:2x+y—2=0
va Ne(C) co I(41),R=+5.
|zl—zz|=MN21M—1NZd(l;d)—Rz%—\f:%.

Cho s6 phite z théa man |z —2+2i|—|z+1-3i| = /34 . Hoi gia trj nho nhét ctia |z +1+4] 1a?

A2 B. 4. C. J13. D. 3.

N
Loi gidi
Chon B
Tacod z=a+bi; a,beR.

Do d6 xét cac diém M (a;b), 4(2;-2), B(-1;3), ta co:
|z=2+2i]~|z+1-3i|=34 <34 =MA-MB< AB=\34.

Déau "=" xayra < M thudc tia AB va M nim ngoai doan AB
Phuong trinh AB:5x+3y—-4=0,dodo 5a+3b-4=0 va a<-1.

2
Khi do |z+1+i|:\/(a+l)2+(b+1)2 :\/(a+1)z+(4—35a+1j

2
min]|z+1+i|=(min \/(a+1)2 +(4_35a +1j =y(-1)=4.

(—oo;—l —oo;—l]

Cho ba s6 phirc z, z,, z, théa man |z|=|z,|=6 va |z —z,|=6+2. Tim gi4 tri nho nhét cua

biéu thirc P=|Z|+|Z—Zl|+|Z—Zz|.

A. 632++/2 . B. 342+4/3. C. 6v2++/3 . D. 342++/2 .




Cau 10:

Cau 11:

Chon C.
Xét tam giac OAB véi A, B lan lugt 1a diém biéu dién cac sé phirc z,, z, va M 1a diém biéu

dién sb phtic z,tac6 OA=0B=6, AB=6y2 = OAB vuéng tai O.

Khi d6 ta can tim gia tri nho nhét cia P = MO+ MA+ MB.

Dung phia ngoai tam giac O4B tam giac déu ABC, dudng tron ngoai tiép tam giac ABC cit
OC tai D, theo bét déng thirc Ptoleme cho bén dém M, 4, B, C ta co:

MA.CB+ MB.CA> MC.AB = MA+MB > MC va MA+ MB+ MO > MC+ MO > OC = const .
DAu béng xdy ra <> M = D . Ta di tinh 6 dai doan OC, béng dinh 1y ham s6 cosin ta co:
0A4=6, AC=632, OAC = OAB + BAC = 45°+60° =105°.

2
Do d6 OC =JO4> + AC* —2.04.4C.cos105° = \/62 +(6ﬁ) —2.6.6v2.c0s105° = 632 ++/3 .
Vay g tri nho nhat cia P, =62+ V3.

Cho sé phtrc z. Ki hiéu 4,B,C, D lan luot la diém biéu dién cta céc s phic z,7,z(4+3i) va

z(4+3i). Biét 4,B,C,D 1abon dinh ciia mot hinh chit nhat. Hoi gié tri nhé nhét cta biéu thie

|z +4i-5| 1a2
5 2 1 4
A —. B. —. C. —. D. —.
J34 V5 V2 J13
Huwéng din giai
Chon C

Véi z= a+bi,(a,b € ]R).

Taco: A(a;b), B(a;-b),C(4a—3b;3a+4b), D(4a—3b;-3a—4b).

Do d6 4,B dbi xung qua tryc hoanh; C,D déi xUing qua truc hoanh va 4B/ /CD.

Theo gia thiét 4,B,C, D 1a bén dinh ciia mot hinh chit nhat khi va chi khicé a=0va b#0 va

a=-2b
[a=-2b la=-b
AB=CD -
. a=-b
AB L AC &4+ <{|b=0() @a=-b.
oo ~2b(3a+3b)=0
AB 1 AD a=-b
~2b(-3a—5b)=0
L 3
b=—=a
5
9Oy 1_1
Véi z=a—ai,taco: |z+4i—-5|=y(a=5) +(4—a) =2 a-=| +=>—.
6i z=a—ai,taco: |z+4i-5| \/(a ) +(4-a) (a 2) +2 5

Goi z lasd phtc thoa man P = |z —1—i| +|z —1—4i| +|z —2+i| dat gia tri nhd nhét. Tinh |z|

A N2, B. 1. C.2. D.%.
Loi gidi

Chon A

Dit z=a+bi, xét cac diem M (a;b), A(L;1), B(L,4), C(2;-1).




Cau 12:

Cau 13:

2 2 2
Taco cosBAC:AB +AC” - BC :—i<—l:>BAC>120°.
2.AB.AC J5 2
Do do6 £+£ <1 va
AC
P=MA+MB+MC=MA+MB'AB+MC'AC
AC
_— _— — —2 ——2
ZMA+MB.AB+MC.AC:MA+M £+AC +AB +Ac
AC AB AC| AB AC
v Al 2B AC ) gt acs ma—\zd| 2B v AC s 4B+ ACS 4B+ AC
AB  AC AB  AC

Déu bang xay ra khi va chi khi M = A= z=1+i=|z=2.

Cho s6 phirc z thoa man |z|=1. Goi M,m lan luot 14 gi4 tri 16n nhét va gia tri nho nhat cia

tim O =|z-1]+ z—%+§i .Tinh P=M +m
A. 41243, B.2+2:/3. C. 2.6 D. 2+6.
Loi giai

Chgn C

Vi |z|:1:>z:cosx+isinx va

3

.. .. 1 .
Q=|cosx+zsmx—1|+ cosx+zsmx—5+—z

2 ) 1 2 . \/§
:\/(cosx—l) +sin’ x + cosx—— + smx+7
:\/2—2cosx+\/2—cosx+x/§sinx6[2\/2—6;2\/2+\/§}
Do d6 P=2y2-+/3 +242++/3 =26 . Chon dap 4n. C.

1 B

Céch 2: Khi biét |z| =1, xét ba diém M(a;b),A(l;O),B(E;—TJ tacd Q=MA+MB va

2

M, 4,B cung thudc duong tron (O,1) suyra (MA+MB) < M 1a diém chinh gifra cung

16n AB . (MA +MB)min < M 1a diém chinh giita cung nho 4B.

Cho s phirc z thoa man ‘zz +16‘+‘z(z+4i)‘ :4|z+4i|. Goi M,m lan lugt 14 cac gid tri 16n

nhét, va gia tri nho nhét cta |z+1—i|.Tinh P=M+m.

A. P=26+4/10. B. P=1+4/10. C. P=2+v26. D.P=1+26.
Loi giai

Chon D

|22 +16|+ |z (z+47)| = 4]z + 4i

|27 +16|+|z(z+4i)| = 4]z + 4| = (2 +4i) (2= 40)| +|z (2 + 41)| = 4]z + 4i]




Cau 14:

Cau 15:

Cau 16:

|Z+4i|=0
©|Z+4i|(|z—4i|+|z|—4)=0© '
|Z—4z|+|z|—4=0

Ta cO: |z —4i|+|z| 2|z —4i—z| = 4,

ddu "=" xay ra < diém biéu dién cta 4i, 0, z thing hang.

Vay tap hop céc sb phirc 13 doan thing x =0 thoa 0< y<4.

Ta co: [z+1-i|=AX véi A(-L1), X 1a diém biéu dién s6 phuc z
Taco: |z+1-1 =26, |z+1-i =1.

min

Cho sb phtic z thoéa mén |z| =m>+2m+5 voi m 1a sb thuc. Biét rang tdp hop diém cua sb
phirc w=(3+4i)z—2i la duong tron. Tim bén kinh R nhé nhét cia duong tron do.
A. R=5. B. R=10. C. R=15. D. R=20
Loi giai
Chon D
Wt 20 = (34 4i) 2 = [w+ 21| =|(3+ 41) 2| = |(3+ 402 = 5| (m +1)" + 4] 2 20.
= |w+2i|220. Vay duong tron ¢6 ban kinh R, =20 véi tam /(0;2)
Dau "=" xay ra khi va chi khi m=-1.

Cho hai sb phiic z,z, théa minz, +z, =8+6i va |z1 —zz|:2. Tim gia trj 16n nhat cuia

P=|Zl|+|22|.
A. P=46 . B. P=226. C. P=5+3/5. D. P=32+32
Loi giai
Chon B
—a+bi a+c+(b+d)i=8+6i +¢) +(b+d) =100
Goi: {zl a+ l‘ (ahye.d cR)= 2( ) 2 - (a C)2 ( )2 .
Z, =c+di (a—c) +(b—d) =4 (a—c) +(b—d) =

:(a+c)2 +(b+d)2 +(a—c)2 +(b—a’)2 =104 a*+b*+c*+d*=52.

B.C.S

Mic khéc: P =vJa’ +b* +7c +d* < \/(12 +12)(a2 +b+c +d2) =226.

Goi A4, B lan lugt 1a diém bieu dien sO phuc z,,z, trén mat phang phirc va D 1a diém thi tu
ctia hinh binh hanh AOBD = D 14 diém biéu dién s6 phirc (z, +2z,) = OD =|z, +z,|=10.
|z, —z,| chinh 1a d0 dai doan AB.

| 4B* = 04> + OB* —~204.0B.cos AOB = 4 . )
AOAB ¢6 - =104=2(04" + OB’ ) 2 (0A+OB)

OD* = OA* + OB* +204.0B.cos AOB =100

= (04+0B) =104 =2426 < (|z|+|z,]) =226

Cho s6 phtic z, théa man ‘(1+i)z+1—5i‘:2\/§ va s phitc z, théa man |z+1+2i|=|z+i].
Tinh gia tri nho nhét ctia |z1 - zz| .

72 -2 72 +4 72 +4 72 -4

A. } B. . C. D. 1
2 2 4 4




Loi giai
Goi M, N lan luogt 14 diém biéu dién s phirc z,, z,
trén mit phang.

1-5i

Tir |(1+i)z+1-5] =242 < |1+4.|z+ 1

& |z-2-3i=2 = M (C) cé tam 1(2;3), ban
kinh R=2.
Goi z, =x+yi, (x,ye]R)

|z +1+2i|=|z +i|
Sx+y+2=0=>NeA:x+y+2=0
Tacod: |z,—z,|=MN =|z,-z| < MN,,

Ta co:

d(l,A)z¥ = MN,,, =d(I,A)-R

W2, W24
2

2
Céu 17: Cho sb phitc z, théa man |(1+7)z+1-5i =22 va s phitc z, thoa man |z+1+2i=|z+i].

Tinh gi4 tri nh6 nhét cta |z1 -2z, =341 |

5V2 -4 52 +4 72 -4 72 +4

A. . B. . C. . D.
2 2 2 2

Loi giai
Chen A

Taco: |z, —z,-3+i|=|(z,~3+i)—z,|=MN = |z,-z,| < MN,,

Goi M, N lan luot la diém biéu dién sb phic z,, z,
trén mét phang.
1-5i

1+

Tir [(1+i)z+1-5] =242 S |l+i|z+—— =22

|z-2-3]=2 o |(z-3+i)+1-4i|=2

| ——

Z3

Y=

= M €(C) cotam /(-1;4), ban kinh R=2.

Goi z, =x+yi, (x,ye]R)

tr |z + 1421 =|z+i

(x,yeR):NeA:x+y+2:0

5V2 _ 52, _5V2-4
2 2 '

Tacéd: d(I,A)=—— = MN,, =d(I,A)-R 5

Cau 18: Cho s6 phirc z théa man diéu kién |[z—1-i|+|z—3-2i|=+/5. Goi M;m lan luot 1a gia tri 16n

nhat va gia tri nho nhat cia modun cia z, tinh M +m.




A.M. B. /5 +5V13. C. V2 +413. D. V2 +2413

5
Loi gidi
Chon C
Goi z=x+yi;(x;y €R) c6 diém M (x;y) biéu dién z AY
trén mit phang toa do. P ‘B
Tacé: |z—1-i]+]z=3-2i]=5 M

=1 +(r=1) +y(x=37 +(r-2) =5 (1) ot 1
Pat A(1;1), B(3;2)thi tir (1) ta co: AM +BM =~/5(2) F# |
Mit khac 4B =(2;1)= 4B=+/5(3) 0 1 3
Nén tir (2) va (3) suyra M thugc doan thang AB

¥

Nhan xét ring OAB 1a géc tu (hodc quan sat hinh v€) ta co M :|z|max =0B=+13 va

m=z| =04=+2. Vay M+m=+2++13 (Ching minh max min dya vao cic tam giic
OAM ;OBM lan luot tu tai A;M ).

Cau 19: Cho s phitc z théa man didu kién |z+2—i|+|z~2-3] =25 . Goi M;mlan luot la gid tri 16n

nhét va gia tri nho nhét ciia modun cua z, tinh M +m.
N R NN C. V24413, D. V342413

Loi gidi
Chon A
Goi z=x+yi;(x;y €R) c6 diém M (x;y) biéu dién z

trén mat phéng toa do.

Taco: |z+2—il+|z-2-3i|=25 3MM 777777 , :B

o J(x+2) +(r=1) +y(x=2) +(r=3) =2V5(1)

Pat A(-2;1), B(2:3) tir (1) co: AM + BM =25(2)

Mat khic 4B =(4;2) = 4B=25 (3) LY L,
nén tir (2) va (3)suyra M thuoc doan thing 4B . Ta ’ o

c6 O4=~/5, 0B=13 va AB:x-2y+4=0.

Nhan xét ring OAB va OBM 1a gdc nhon (hodc quan sat hinh v¢) ta c6

M =|z| =max{OB,04} =13 va m =|z| . =d(0, 4B) :g

Vay M+m:\/B+4f - 4@25\/5
Cu 20: Cho so phirc z théa man |z|=1 .Tim gi4 tri 16n nhat cta biéu thie T =|z+1|+2|z-1| .
A. maxT =245 B. max7=2J10. C.maxT=35. D. maxT =32

Loi giai




Cich 1. Goi z=x+yi, (x,yeR) = M(x;)
Va A(-10), B(1;0). Taco |2|=1 = |x+yi|=1 & x* +)* =1

= M thudc duong tron duong kinh AB .

= MA® + MB*> = AB* = 4 . Khi d6, theo Bunhiacopxki, ta co

T:MA+2MB£\/(12 +2°)(MA* + MB?) =5.4=245

Vay gié tri 1on nhit cua biéu thirc max 7 = 25

Cach2.bat z=x+yi, (x,ye]R) :>|Z+1|:\/(x+1)2 +y° va |z—1|=,/(x—1)2 +y°

Mit khic |z| =1 <\ +)7 =1 ¥ +3? =1, khi d6 T = (x+1)’ +3> +2{/(x=1)" + )’

s\/(l2 #27)[ (e 1)+ 07+ (x= 1) +07 | = 10(x7 + 57 +1) =102 =245 = max T =245

Cau 21: Phan gach soc trong hinh v& bén 1 hinh biéu dién cua tip cac sd phtrc théa man diéu kién nao

sau day:
¥
8
0] 6 X
A. 6<|z|<8. B. 2<|z+4+4i|]<4. C.2<|z-4-4i|]<4. D. 4<[z-4-4i|<16.

Loi giai
Chen C
Goi M (x;y) la diém biéu dién sb phicc z=x+yi, véi x,yeR
Vi hinh v& biéu dién sb phirc z 14 hinh vanh khin nim & goc phan tu thir nhat cta hé truc toan
dd nén tam cua hai duong dong tam cé toa duong = loai A, B.
Quan sat hinh v& ta thiy duong tron 16n ¢6 duong kinh bang 8 = ban kinh R =4
Vay chon dép an C.
Chu22: Xét cac s6 phic z=x+yi, v6i x,yeR théa man |z|=2. Tinh P=x+yp khi

|z—4|+2|z+1+4i| dat gia tri nho nhat.




A. P=45. B.P=2. C.P=-2. D. P=45.
Loi giai
Chon C.
Goi M (x;y) la diém biéu dién sb phic z=x+yi, véi x,yeR.
Taco
|Z|=2 < x*+)° =4 = tap hop diém M 1a duong tron tim O, ban kinh R=2.
P'=|Z—4|+2|Z+1+4i|:‘(x—4)+yi‘+2‘(x+1)+(y+4)i‘
= (5 =4) #3742 (x+1) +(r+4) (%)

Goi 4(4;0), B(~1;—4) thi P'=AM +2BM (1).

Goi H(1;0) thi OH.O4=4=0M" = tam gidc OHM va tam gidc OMA ddng dang.

MA 04 2

Tu (1) va (2) tacd P'= AM +2BM =2(HM +BM)>2BH = P,

min

—2BH khi B, H, M

thang hang va M nam giita diém B va H .

Khi d6 M 1a giao diém cua dudng thing BH : y = 2x—2 va dudng tron x> + y* =4

8
A g0 R N ‘A N A . y = 2x - 2 X = O . X 5
= toa d) diém M la nghiém cta hé phuong trinh . & hoac .
x +y =4 y==-2 6
y==
5
s N i 422 \ n x=0
Vi M nam gitta diém B va H nén chon 5"
y==

Khi dé P=-2.

Céu23: Cho sé phac z théa man |z—1+i|=2. Tim gi4 tri 1én nhdt cia biéu thuc
P=|z+2-if +|z-2-3i".

A, 18+810. B. 388410 C. 38+8V10. D. 81018

Loi giai
Chen C




Goi M (x;y) la diém biéu dién s phitc z=x+yi, (x,yeR).
Tacd [z-1+i|=2 & |(x=1)+(y+1)i|=2 & (x=1) +(y+1)’ =4
= tAp hop diém M 1a duong tron (C,) tm /(1;—1), bankinh R =2.

Xét biéu thic P=|z+2—i +|z-2-3i

<:>P:(x+2)2+(y—1)2 +(x—2)2+(y—3)2 o P+ )? _4y+9_§=0

= tap hop diém M la dudng tron (C,) tam J(0;2), ban kinh R, = ,/g—s , P>10.
Khi d6 P, khi (C)) va (C,) tiép xtic

trong<> R, = IJ + R, < R2 =(LJ+R,)’ @§—5=(2+\/ﬁ)2 < P=38+810.

E )

\

Ciach2:

Goi M (x;y) la diém biéu dién s6 phic z=x+yi, véi x,yeR.

Taco [z—1+i]=2 &|(x=1)+(y+1)]=2 = (x=1) +(y+1) =4

= tap hop diém M 1a duong tron (C,) tam I(1;—1), bankinh R =2.

Xét biéu thirc P=|z+2-i +|z—2-3i, voi A(-2;1) va B(2;3) thi P=MA* +MB?

2
<:>P:2MC2+AB

& P=2MC*+10, véi C(0;2) 1a trung diém cua AB.

B

Yy

C
Aé

5




Cau 24:

M,C=~10-2

Mit khac IC =10 =
M,C=10+2

Khi 6 P,,, =2(v10+2) +10=38+84/10.

Cho hai s6 phiic z,, z, thoa man |2z—i| :|2+iz

, biét |Z] —Zz|:1. Tinh P:|Z1 +Zz|.

A.Pz?. B. P=+2. C.P:g. D. P=+/3

Loi giai
Chon D

Goi M (x;y) la diém biéu dién sb phitc z=x+yi, véi x,yeR

Taco [2z—i|=[2+iz] & 22| = |z~ 2] < [20M - j| =|0M -2}

,véi j=(0;1)
S 40M? —40M j+ 2 =OM* —40M .j+4* < OM* =1<OM =1
= tAp hop diém M 1a duong tron (C) tm O, bankinh R=1.

y

1]
VKx

Mit khac goi N, P 1a diém biéu dién z,, z, thi

{NG(C) {ON—OP—I {ON=OP=1

= == —— & = AMNP 1a tam giac déu
Pe(C)  ||NP|=[0P-ON| T |NP=|z, -z =1

3

=z +2,|=20K =25 =43

Cich 2:

Goi M (x;y) la diém biéu dién s phitc z=x+yi, véi x,yeR

Taco [2z—i| =[2+iz] &[22 1| =|z-2i| & [2x+(2y-1)i|=|x+(y-2)]]
<:>4x2+(2y—1)2 :x2+(y—2)2 Sx+y =1

= tAp hop diém M 1a duong tron (C) tm O, bankinh R=1.




Cau 25:

Cau 26:

I
¢ A
Mt khac goi 4, B, C lan lugt 1a cic diém biéu dién z,, z, va —z, thi 4, B, C nam trén

duong tron (C), BC la dudng kinh

Ma |z -7, =1 <|04-0B|=1< |Bd/=1 < 4B =1
Khi d6: |z, +2,|=|04+ CO| = C4 © |7, +2,|=VBC* — 4B’ =3,

Cho s phirc z théa mén |z—3—4i| =5 . Goi M va m 1a gia tri 16n nhét va gia trj nho nhét

A 2 2 . A .
cua biéu thic P =|z+2[ —|z—i| . Tinh mddun cta s6 phitc w=M +mi .

A. [w]=+2315. B. [w]=1258. C. [w]=3137. D. |w|=2v/309
Loi giai
Chon B

Goi K (x;y) 1a diém biéu dién s6 phirc z=x+yi, véi x,y e R.

Tacé [z-3-4i]=5 <:>‘(x—3)+(y—4)i‘:\/§ & (x-3) +(y-4) =5

= tap hop diém K 1a duong tron (C) ¢6 tam 7(3;4), ban kinh R =+/5 .
Matkhic P=|z+2f ~|z=i & P=(x+2) + " =| & +(y-1)" |=4x+2y+3

= tap hop diém K 1a dudng thing A:4x+2y+3—-P=0

Khi d6 A v (C) co diém chung khi d(1,4)< R > X237l

245
<[23-P|<10 ©13<P<33= M =33 vam=13
Vay w=33+13i =|w|=+1258.
Trong mit phang xOy, goi M 1a diém biéu dién cta s6 phic z thoa man ‘z+3 —\/gl" =3.

Tim phin 40 cta z trong truong hop goc £ xOM nho nhit .

A.%. B. 3. C.0. D. 24/3

Loi giai
Chon A

Goi M (x;y) la diém biéu dién sb phitc z=x+yi, v6i x,yeR




i

Cau 27:

Ta co ‘z+3—\/§i‘:\/§<:>‘(x+3)+(y—\/§)i‘:\/§ @(x+3)2+(y_\/§)2 5
= tap hop diém M 1a dudng tron tim (—3;\/5 ) ,bankinh R=+/3.

y

Goi A: Ax+ By 1a tiép tuyén cta (C) di qua diém O
Taco d(I,A)=R
‘—3A +x/§B‘ A4=0
@ —_—
VA + B A=+/3B

O Véi A=0 chon B=1 = A:y=0 khong théa man vi khi d6 £ xOM =180°.

-3 @‘\/gA—B‘:\/A2+B2 ©2A2—2\/§AB:0©{

O V6i A=~/3B chon B=1thi A=+/3 = A:\Bx+y=0 = £xOM =120° = HOM = 30°

Khi d6 M 1a giao diém cua dudng thing d di qua tim / cua dudng tron va dudng thing A

. 3x+y=0
:>d:x—\/§y+6:0;toadcf) diém M la nghiém cua hé phuong trinh V3 4
x—\/§y=—6

=2
= 2 =>M —i;ﬂ

33 27 2

)

3V3

Viy phan 4o cua z 1a -

Goi M, n lan luwot 1a gia tri 16n nhdt va gid tri nho nhdt cia biéu thuc
P=|z-2+i] —[F+1-4i

? biét ring sb phirc z théa man diéu kién ‘z(z’+1)+1+i‘ =+/2. Tinh

M*+n*.

A. 216. B. 162. C. 186. D. 240
Loi giai

Chon A

Goi M (x;y) la diém biéu dién sb phic z=x+yi, véi x,yeR.

Taco

‘z(i+1)+1+i‘:\/§<:>‘(i+1)(z+1)‘:\/§ <:>|i+1|.|z+1|:x/§ <:>\/§|z+1|:\/§ <lz+1|=1

<:>‘(x+1)+yi‘=l <::>(x+1)2+y2 =1




Cau 28:

Cau 29:

= tap hop diém M la dudng tron (C) c6 tam I(-1;0), bankinh R=1.

Mt khic P=|z—2+i ~[F+1-4i" & P=|(x=2)+(y+1)i ~|(x+1)=(y+4)i
<:>P:(x—2)2+(y+l)2—[(x+l)2+(y+4)2}

& P=—6x-6y-12 < 6x+6y+12+P=0 (*)

= tAp hop céc diém théa phuong trinh (*) 1a duong thing A

- |6x, +6y, +12+ P

672
& 6-6J2<P<6+672 =>M=—6+632: n=—6-62.

Khi d6 dé A cit (C) thi d(I,A)<R <le|6+P|<6v2

Vay M’ +n* =216.

Cho sb phirc z théa min |z—2+3i|+|z+2+i|:4\/§. Tinh gia trj 16n nhat cua biéu thirc

P=|z-4+4i.

A. max P =45 . B. max P=7+/5. C. max P=5/5. D. max P =65 .
Loi giai

Chgn A

Goi M (x;y) 1a diém biéu dién s6 phirc z=x+yi, v6i x,y e R.

Taco |z-2+3i|+|z+2+i|=4v5 & AM + BM =45, v6i F,(-2;-1); F,(2;-3).

= tap hop diém M laelip (E) v6i hai tiéu diém F,(-2;-1); F,(2;-3), tim H(0;—2) va

2a=4y5 < a=2J5;

Mit khéc P =|z—4+4i|=IM ,vé6i I(4;,—-4)

O IF, =(~6;3), IF, =(-2;1) = IF, =3IF, = I,F,,F, thing hang, F, ndm gitta  va F,.

O I ndm ngoai (E)

=M, =IF+a, F(0;—2) la trung diém FF,.

o IM, =2J5+2J5=45

Xét s6 phitc z=a+bi, (a,b €R) thoa min |z-4-3i|=+/5 va A=|z+1-3i|+|z—1+i| dat gia
tri nhé nhat. Tinh P=a+b.
A.P=2. B. P=4. C. P=38. D. P=6.
Loi giai
Chon B.
Goi M (a;b) la diém biéu dién s phitc z=a+bi, (a,b eR)




Tacéd |z-4-3i|=+5 <|(a—4)+(b-3)i=~5 < (a—4) +(b-3) =5
= tap hop diém M 1a dudng tron (C) c6 tam 7(4;3), ban kinh R =/5.

Xét A=|z+1-3i|+

(~1;3), B(L,—1) thi 4= AM +BM

Mn
]

]

1

]

]

]

]

=\ |

:

|

I R

Goi A 1a trung tryc cua doan théng AB = A di qua trung diém H (O;l) cua AB
=A: a-2b+2=0.
Khi d6 d¢ A =|z+1-3i|+|z—1+i| dat gi4 tri nho nhat thi M 1a giao diém ciia A va (C).

b=2

a=2b-2=0 b=4

Toa do diém M la nghiém cua hé phuong trinh {(a B 4)2 - (b B 3)2 =3 & {
Véi b=2=a=2 =z=2+2i = A=17+10
Vi b=4=a=6 =z=6+4 = A=-/65++/50
Vi 4. nénchon z=2+2i.
Khido P=4.
Cau30: Cho s phic z thoa min [2z+1-3i=+2. Tim gid tri I6n nhit cia biéu thic
=|z=1|+3]z+1-2i].
Loi giai

Goi M(x;y), v6i x,y € R 1a diém biéu dién sb phirc z=x+ i .

(BB el 2

\/_

= tap hop diém M 1a dudng tron tam / (—% %j ban kinh R =—

Taco [2z+1-3i]=2 &

Xét T =|z—1|+3|z+1-2i] < T =|(x—=1)+ yi|+3|(x+1)+(y-2)

S T=\(x=1)+1" +3(x+1) +(y=2)" < T =AM +3BM ,véi 4(1;0), B(-1;2).

Bai toan quy vé di tim toa d¢ diém M trén (C) sao cho AM +3BM dat gia trj 16n nhat.




Cau 31:

Cau 32:

BI = —11 cai=|-3.3 = B, I, A thing hang va AI =3BI
2°2 2’2

Khi d6 theo dinh 1y Stewart, ta c6 IB.MA* + IAMB* = AB(MI” +IB.IA), v6i AB = 22,

MI:L,IB—1 IA +iMB2—2f(2 3

5 M e 7

Do do MA+3MB = MA++/3(\3MB) < \/(1+3)(MA2 +3MB*) < MA+3MB<4\2

J.@MA2+3MBZ:8

Vay T.. =42
y
B
\ u
I
Y
(0] 1 X

Vi hai s6 phic z, va z, théa min z, +2z, =8+6i va |zl —22| =2. Tim gi4 tri 16n nhét caa biéu
thirc P=|Zl|+|22|.
A. P=5+345. B. P=226. C. P=46. D. P=34+32.
Loi gidi
Chon B.
Goi M, N lan luot la diém biéu cac s6 phirc z, va z,.
Taco z,+z, =8+6i = |z, +z,|=[8+6i|=10=0P.
MN =|MN|=|ON -OM| < MN = |z, -z, =2

OM’+ON’>  MN’
2 4

Ap dung cong thic trung tuyén ta c6 OI* =

R 2 N T S e Y e A
1 £ I o W] IRy 220 2
2 4 4

<0l =

-1 <::>|zl|2 +|22|2 =52

Khido P=[z|+|z.| = P=a|+[z] < (17 +1°)(af + | ) = P<2326.

Vay P. =226

Cho s6 phtic z théa man |z+ 3| < 8. Khi d6 tit ca cac gia tri cua P = |z— 2| tao thanh mién nao
sao day?

A. [-2;13]. B. [0;13]. C. [2:13]. D. [-13;2].

Loi giai




Cau 13.

Goi z=x+yi,voi x,yeR.
Taco |z+3)<8 < |(x+3)+yi|<8 e (x+3) +y” <64 (1)
X, =x—2 x=x,+2
bat w=z-2 :>{ <:>{ (2)
Y=Y Y=Yy
Tir (1) va (2) taco < (x, +5) + 2 <64
= tap hop diém M biéu dién sb phirc w = z—21a hinh tron (C) tam [(—3;0) , ban kinh
R=8.

minw=0

Do O€(C) nén{
maxw=0[ =R =13

Xét sb phtuc z=a+bi, (a,beR) thdéa méan |z—4—3i|:\/§. Tinh P=a+b khi

|z+1-3i|+|z—1+1i| dat gi4 tri 16n nhat.

A. P=10. B. P=4. C. P=6. D. P=8.
Loi gidi

Chon A.

Goi M (a;b) la diém biéu dién s phitc z=a+bi, (a,b eR)

Taco |z—4-3i|=5 <|(a-4)+(b-3)i[=~5 < (a—4) +(b-3)" =5

= tAp hop diém M 1a dudng tron (C) tam 7(4;3), ban kinh R =45.

Xét A=|z+1-3i+|z—1+i

;dat A(=1;3), B(1;—1) thi A= AM +BM

Goi A 1a trung tryc ctia doan théng AB = A di qua trung diém K (0;1) cua AB
=A: a-2b+2=0.
Khi d6 d¢ A =|z+1-3i|+|z—1+i| dat gi4 tri 16n nhat thi M 14 giao diém cua A va (C).

(a—4) +(b-3)" =5 @{b:z

Toa d6 diém M 1a nghiém cua hé phuong trinh
a=2b-2=0 b=4




Cau 14.

Voi b=2=a=2 =z=2+2i = A=17+/10

Vi b=4=a=6 =z=6+4 = A=65+/50

Vi 4 nénchon z=6+4i.

Khidé P=10.

Cho s6 phirc z thoa méan 5|z—i|=|z+1—3i|+3|z—1+i|. Tim gia tri Ién nhat M cua biéu thirc

P=|z-2+3i|?

A.M:?. B. M =1+/13. C. M =45. D. M =9.

Loi giai
Chen C.

Dit z=w+2-3i thi 5]z—i|=|z+1-3i[+3|z-1+i| < 5|w+2—4i| =|w+3—-6i|+3|w+1-2i
Goi M (x;y) la diém bicu dién s6 phic w, 4(-2;4), B(-3;6), C(-12)

Ta co:

O @:(—1;2), E’:(l;—Z):—@ = A, B, C cung nam trén dudng thing A:2x+y =0
O 5|w+2—4i|=|w+3-6i|+3|w+1-2i| & SMA=MB+3MC

Xét hai truong hop:

3 2 0 X

Y Truong hop 1: M € A = M (x;—2x)
Ta c6 5MA=MB+3MC = M = D(—4;8)
Khido w=—4+8i = P=|w|=4/5

% Truong hop 2: M ¢ A

Ta cd: SMA = MB+3MC < 25MA> =(MB+3MC)’ <(1+9)(MB* + MC*)

2 (MB2 +MC? ) ~ BC?
4

Ma A 1a trung diém cia BC nén MA> = = MB* + MC’ = MA® + AB’




Khi d6 25MA* < 20(MA2 n ABz) & 25MA* < 2O(MA2 +5) & MA® <20

2(MD* + MO* )-0OD? . N
" = OM” =2M4” +_0D" - MD

Lai c6 MA* =

= OM*< 2.20+%.80 = OM <45

Vay M =445 .

Cich 2:

Goi M (x;y) la diém biéu dién s6 phirc z=x+yi, véi x,yeR.

Ta c6

S|z—i|=|z+1-3i[+3|z-1+i] < SMI = MA+3MB , véi 1(0;1), A(-1;3), B(L;-1), C(2-3)

2(MA* + MB* ) - 4B’
4

I la trung diém AB = MI’ = = MA* + MB* =2MI* +2AI°

25MI” = (MA+3MB) <10(MA> + MB* ) < 25MI” <20(MI” + AI” )

& MI* <20 < MI <25 = M thude hinh tron tam 7(0;1), ban kinh R =2+/5

Lai c6 IC =2+/5 = C ndm trén duong tron tm 7, ban kinh R =2+/5

Khi d6 P=|z—2+3i|=MC 16nnhatkhi M =D, v6i D(-2;5) 1a diém déi ximg ctia C qua [
Hay z=-2+5i = P=|-4+8i|.

Vay P =445 .

max

. . 5 5 1+i
Cau 33: Cho hai s0 phtic z va w biét ching thoa man dong thoi hai diéu kién (I—Z?Z+2 =1 va
—1i
w=iz. Tim gi4 tri 16n nhét ctia M = |z— w|.
Ao M =33, B. M=3. C. M=32. D. M =23.

Loi giai
Chon C

Goi M (x;y) la diém biéu dién s6 phic z=x+yi, véi x,yeR.




Cau 34:

(1+i)z

—i

Taco +2

=l oliz+2=1e|z-2]=1 e’ +(y-2) =1

= tap hop diém biéu dién diém M la dudng tron tam 7(0;2), ban kinh R=1.

y
3| B

2¢ ]

Khido M =|z—w|=|z(1-i)| & M =2 <3V2
Vay M, =32

Cho hai s phuc z,, z, théa man |zl| =3, z, —zz| = \/ﬁ Goi M, m lan luot 1a phén

22|:4,

\ A, . A , Z ,
thuc va phan 4o ctia s6 phitc w=--. Tinh P=M"* —m".

ZZ
A.Pz—i. B.P:i. C.P:—g. D.P:—i
32 32 8 64

Loi gidi
Goi M (a;b), N(c;d) 1a diém biéu dién c4c s6 phitc z, =a+bi va z, =c+di,a,b,c,d eR
Goi N'(d;—c) thi ON=ON"; ON.ON' =0 = ON L ON'

Ta co

4 5 2 _a+bi <:>Z:(a+bi)(c—ah') @Z:(ac+bd)+(bc—ad)i

z, c+di (c+di)(c—di) 16

ac+bd bc—ad . OM.ON OMON'.
z= + i< z= — i
16 16 16 16

% |z, 2| =[O ~OM| > [WN|=37

2 2 2
& cosMON =M +ON —MN"_ smoN=2710=37_ 1 vioN =120°
2.0M.ON 234 2

Véi MON =120°, ta co:

& OM.ON = OM .ON.cos MON =—6




Cau 35:

N’ N
i MON' = 30°
& MON =120°=|
MON' =150°

O Véi MON' =30°, c6 OM.ON' = OM.ON".cos MON = 63

Khi d6 ZZ—E—ﬁi
& 8

O Véi MON'=150°, c6 OM.ON’' = OM .ON'.cos MON = —6+/3

Khi d6 Z=—§+ﬁi.
&8 8

2__9

P=M’-m’>=—.
32

. 34330,
Vay Z=T va

z, —Z2|=\/§. Ta dugc

zz|:4,

Cich 2 .Chuan hoa sao cho thoa man dé bai |zl| =3,

a’+b> =16 a=-2

2 2 =
(a=3)'+b*=37 |b=243
z, 3 3 33 ;-9

e i MPemi=—
z, —2+2i3 8 8 32

z, =3;z, :a+bi:>{

Goi z 1asd phtic sao cho P = |z—1—i|+|z—1—4i|+|z—2+i| dat gia tri nho nhat. Tinh |z|

V2

A 2. B. 1. C.2. D.T.

Loi giai
Chon A.

Goi M (x;y) la diém biéu dién sb phic z=x+yi, véi x,yeR.

Taco: P=|z—1-i|+|z—1-4i|+|z-2+i

,voi A(;4), B(L1), C(2-1) thi
P=MA+MB+MC ; BA=(0;3), BC =(1;-2)

Vi B4 va BC khong cing phuong nén ba diém 4, B, C lap thanh mot tam giac ¢6
_BABC 2

cos B = = ——— = B~153°>120°
BABC 5
Khi d6 dé P thi M =B (vi M la diém Toricenli) = z=—1—-i

Viy |z|=+2.




C. BAITAP TUONG TU

Cau 36.

Cau 37.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cho sb phirc z thay ddi thoa mén |z -1- i| = 5. Hoi gia tri nho nhat cia biéu thic

P=|z—7-9i+2|(1+i)z+8-8i| 1a?

A 35, B. 5V5. C. 245. D. 45.
Cho s6 phtrc z théa man |z—i|=2. Goi M, m lan luot 1a gi4 tri 16n nhat va gia tri nho nhat

cia |z +2|+|z+2-2i]. Tinh P=M +m.

A. P=2+17. B. P=2+217. C. P=+2+217. D.P=+2+17.

Cho sb phtc z thdéa man ‘zz +4‘ =|z| .Goi M, m lan luot 1a gia tri 1on nhét va gia tri nho nhét
cua |z|.Tinh P=M+m.
A po 7L B. P=+17. c. p Y7+t p. po 71
2 2 2
Cho s6 phitc z=a+bi, (a>0,b>0) théamdn a—b—2<0; a+4b-12<0. Hoi gia tri lén

nhat cta |z| 1a bao nhiéu?

A. 245, B. 3.2. C.5. D. 24/6.

Cho hai s6 phitc z,, z, théa man z, —z, =3+4i va |z, +z,|=5. Hoi gia trj 16n nhat cua biéu

thic |z,|+|z,| 12 bao nhiéu?

A.5. B. 5\3. C. 1245. D. 5\2.
Cho sb phuc z.Kihi¢u 4, B, C, D lan luot 12 diém biéu dién cua céc sb phuc z, z,
z(4+3i) va z(4+3i).Biét 4, B, C, D labbn dinh cia mot hinh chir nhat. Héi gia tri nho
nhat ctia biéu thirc |z +4i —5| 1a bao nhiéu?
5 2 1 4
A —. B. —. C. —. D. —.
V34 V5 V2 Vi3

Cho sb phuc z = , trong d6 m la s6 thue. Goi S 1a tap hop tat ca cac gia tri thyce

1—m(m—2i)

5 A . 1 IS LA 5 A A 5 A
cua tham s6 m sao cho |z — z| <—. Héi trong S co6 tat ca bao nhiéu phan tir nguyén?

NG

A. 1. B. 3. C.2. D. 5.
Cho s6 phttc z khac 0. Tinh dién tich ctia tam giéc c6 ba dinh 1a ba diém biéu cac s6 phuc z,
iz va z+iz.
NER B, 10 c. Lzp. D. 3.
2 2 2




Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Xét 6 phtrc z thoa man |z+2-3i[+|z—6-1 =217 . Goi M, m 1an luot la gia tri 16n nhat
va gié tri nho nhét cta biéu thitc P=|z+1-2i|—|z—-2+i].

A M=3J2, m=0. B. M =3V2, m=+2.

C. M=3J2, m=5J2-25. D. M=2,m=5J2-25.

Xét s6 phirc z thoa min |z—2+2i|—|z+l—3i|:\/374. Tim gia tri nho nhét ctia biéu thic
P=|z+1+i].

AP, ——. B. P, =3. C. P, =+/13. D. P, =4.

min min min
J34

Cho s6 phirc z thoa méan |z - 2| + |z + 2| = 6. Tim gia tri 16n nhat va gia tri nho nhat cua

P=|z—-1+3i.
Lo, , ~ — \ I SR , 3 7 1
Cho s6 phuc z thoa méan z.z =1. Tim gia tri nho nhat cta bi€u thuc P=|z" +z +—|-3|1+—.
z z
A.é. B.E. C. 2. D. 3.
2 4

3
. A T , , X aA el A 1A z v A
Cho z,, z, 1a hai s0 phtrc lién hop ctia nhau théa man dong thoi hai di€u kién (—lj 1a s6 thuc
Z

va |22 — 22| =443 . Dt T =|z? + 22| . Khing dinh nao sau day ding ?
1 2 1 2

JNEDY PEN B.0<T<2. C.l<|zl|<9. D.3<T<2.
2 2 2 2 5 2
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