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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 1. KHOI PA DIEN

@ LY THUYET.

1. Khai ni¢m vé hinh da di¢n

o Hinh da dién 13 hinh dugc tao béi mot sd hiru han cac da giac théa man hai tinh chét

1. Hai da giac phan biét chi c6 thé hodc khong c6 diém chung, hoac chi c6 mot dinh chung, hoac
chi c6 mot canh chung.

ii. Mdi canh cua da giac nao ciing 1a canh chung cta ding hai da giac.

« MOoi da giac nhu trén dugc goi 1a mot mit cua hinh da dién.

e Céc dinh, cac canh cua da giac éy theo thir tu goi la cac dinh, cac canh cua hinh da dién.

2. Khai niém vé khdi da di¢n

« Khdi da dién 1a phan khong gian duoc gidi han bdi mot hinh da dién, ké ca hinh da dién do.

« Nhiing diém khong thudc khbi da dién duoc goi la diém ngoai ciia khdi da dién.

@ Tap hop cac diém ngoai dugc goi 1a mién ngoai cua khdi da dién. ,

e Nhitng diém thudc khoi da dién nhung khong thudc hinh da dién ung véi da dién ay dugce goi
1a diém trong cuia khoi da dién.

@ Tap hop cac diém trong duoc goi 1a mién trong ciia khdi da dién.

e Moi khoi da dién dugc xac dinh bdi mot hinh da dién trng véi nod. Ta cling goi dinh, canh,
mat, diém trong, diém ngoai... cua mot khdi da dién theo thir tu 1a dinh, canh, mat, diém trong,
diém ngoai...cua hinh da dién tuong tmg.

o Khdi da dién duoc goi la khéi lang try néu né duge gidi han boi mot hinh lang try.

o Khéi da dién duoc goi 1a khdi chop néu n6 duoc gidi han bai mot hinh chop.

o Khdi da dién duoc goi la khéi chop cut néu né duge gidi han bdi mot hinh chép cut.

« Tuong tu ta ¢ dinh nghia vé khéi 7 — giac; khdi chop cut n— giac, khdi chop déu, khdi
hop,...

o Tén cua khdi lang try hay khdi chép duoc dat theo tén ciia hinh lang try hay hinh chop gidi
han no.
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Vi du:
d
Mién ngoai
Diém trong
Piém ngoai — ¢ M

% Céc hinh dudi day 1a nhitng khéi da dién:

7O

< Cac hinh dudi ddy khong phai 1a nhiing khéi da dién:

3. Mot s6 két qua quan trong

» Ket qua 1: Mot khoi da dién bat ki c6 it nhat 4 mat.

» Ket qud 2: Moi hinh da dién c6 it nhat 4 dinh

> Két qud 3: Cho (H) 1a da dién ma cac mit ctia né 13 nhimg da gidc c6 p canh. Néu sé mat caa
(H) 1alé thi p phaila sd chan.

Chirng minh: Goi m 13 sb mit cua khéi da dién (H) . Vi mdi mit caa (H) ¢6 p canh nén m
mat s€ c6 pm canh. Nhung do mdi canh 1a canh chung cua dung hai da giac nén s6 canh cua (H)
béang ¢ Zme .Vim lénén p phaila sd chin.

> Két qua 4: (suy ra tiv chieng minh két qud 3): Cho (H) 1a da dién c6 m mit, ma cac mit cia

pm

no la nhitng da giac p canh. Khi do6 s6 canh ctia (H) 1a ¢ = =

» Keét qud 5: Moi khoi da dién c6 cac mat 1a cc tam gidc thi tong sO mat cuia nd phai la mot so
chén.
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Chirng minh:Goi s6 canh va s6 mat cia khoi da di¢n 1an luot 1a ¢ va m .
Vi mdi mit c6 ba canh va mdi canh 1a canh chung cia ding hai mét nén ta c6 s6 canh cia da dién

3 q , q 3
la c= 7’" (c6 thé ap dung ludn két qua 4 dé suy ra ¢ = 7’" ).

Suy ra 3m=2c¢ = 3m 1a s6 chin = m 1a s6 chin.

Vidu

+ Khéi t dién ABCD ¢6 4 mat ma mdi mit 1a mot tam gidc.

+ Xét tam gidc BCD va hai diém A4, E ¢ vé hai phia cia mit phang (BCD). Khi d6 ta ¢6 luc

dién ABCDE c6 6 mat la nhiing tam giac.

+ Khéi bat dién ABCDEF ¢6 8 mat la cac tam giac.

+ Xét ngii giac ABCDE va hai diém M, N & vé hai phia ciia mit phang chira ngii giac. Khi do
khdi thap dién MABCDEN c6 10 mat la cac tam giac.

> Két qua 6: Mbi khoi da dién bat ki ludn c6 thé dugc phan chia thanh nhimng khéi tir dién.

> Két qud 7: Mbi dinh ctia mot hinh da dién 1a dinh chung cua it nhét 3 canh.

> Két qua 8: Néu khdi da dién c6 mdi dinh 13 dinh chung ctia 3 canh thi s6 dinh phai 1a s6 chén.
Tong quat : Mot da dién ma mdi dinh cta né déu la dinh chung cua mot sé 1& mat thi tong sb
dinh 1a mot s6 chén.

> Két qud 9: Mdi hinh da dién c6 it nhit 6 canh.

> Két qud 10: Khong tdn tai hinh da dién 6 7 canh.

> Két qud 11: Véi mdi sd nguyén k >3 ludn ton tai mot hinh da dién c6 2k canh.

> Két qud 12: Véi mdi s6 nguyén k >4 ludn ton tai mot hinh da dién c6 2k +1 canh.

> Két qud 13: Khong ton tai mot hinh da dién c6

+ S6 mit 16m hon hodc br:ing s6 canh.

+ Sé dinh 16n hon hodc br:ing s6 canh.

> Két qud 14: Ton tai khdi da dién c6 2n mit 13 nhimng tam giac déu.

Khéi ttr dién déu c6 4 mat 1a tam giac déu. Ghép hai khéi tir dién déu bang nhau (mot mit cua tir
dién nay ghép vao mdt mat cua tir dién kia) ta duoc khdi da dién H ¢ €O 6 mdt la cac tam giac déu.
Ghép thém vao H, mot khéi tr dién déu nira ta duge khéi da dién H, . €O 8 mat la cac tam giac

déu. Bang cach nhu vay ta duoc khéi da dién 2n mat 1 nhitng tam giac déu.

He Hs
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@ HE THONG BAI TAP TRAC NGHIEM.

Cau l1:

Ciu 2:

Cau 3:

Cau 4:

Caiu 8:

Moi hinh sau gobm mot s6 hitu han da giac phang (ké ca cac diém trong ctia n6), s6 hinh da di¢n la

e '
B. 2. C. 3.

M&i dinh cta hinh da dién 13 dinh chung cua it nhat bao nhiéu mat?
A. Nam mat. B. Ba mat. C. Bon mat.

Lang tru tam gidc c6 bao nhiéu mat?
A. 6. B. 3. C.9.

Goi n 1a s6 hinh da dién trong bdn hinh trén. Tim 7.

A.n=4. B.n=2. C.n=1.

Cho rp(f)t hinh da dién. Tim khéng diph sai trong cac khéng dinh sau:
A. Moi dinh 1a dinh chung cua it nhat ba canh.

B. Mbi dinh 1a dinh chung cua it nhat ba mit.

C. Mbi canh 1a canh chung cua it nhét ba mat.

D. Mdi mit c6 it nhét ba canh.

Hinh nado sau day khong phai la hinh da di¢n?

A. Hinh try. B. Hinh tu dién. C. Hinh 1ap phuong.

Trong~ cac ménh dé sau ménh dé’néo dang?

A. Moi hinh da dién c¢¢ it nhat bon dinh.

B. MGi hinh da dién c6 it nhat ba dinh.

C. S6 dinh ctia mot hinh da dién 16n hon hodc béng s6 canh cua no.
D. S6 mit cua mot hinh da dién 16n hon hodc béng s6 canh cua no.

Trong cac ménh dé sau, m¢nh dé nao dung?

D. Hai mat.

D. 5.

D. n=3.

D. Hinh chop.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:
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A. Tdn tai mot hinh da dién c6 sd canh bﬁng s6 dinh.
B. To6n tai mot hinh da dién c6 s6 canh va s6 mit br:ing nhau.
C. S6 dinh va s6 mit cua hinh da dién luén bang nhau.
D. Ton tai mot hinh da dién c6 s dinh va sd mat bﬁng nhau.
Cho mdt hinh da dién. Khing dinh nao sau day sai?
A. Mbi canh 1a canh chung cua it nhat ba mat.
B. Mbi dinh 1a dinh chung cua it nhat ba canh.
C. Mdi dinh 14 dinh chung cua it nhat ba mit.
D. M&i mat ¢6 it nhit ba canh.

Khdi lang tru ngii gidc co tat ca bao nhiéu canh?
A. 20. B. 25. C. 10. D. 15.

Cit khdi tru ABC.A'B'C’ béi cdc mit phang (AB'C’) va (ABC') ta duoc nhitng khdi da dién nao?
A. Hai khdi tt dién va mot khdi chop tir giac.

B. Mot khéi tir dién va hai khéi chop tir gidc.

C. Ba khdi tir dién.

D. Hai khéi ttr dién va hai khéi chop tir giac.

Goi " 14 s6 canh cta hinh chop c6 101 dinh. Tim 7.

A. n=202. B. n=200. C. n=101. D. n=203

Hinh lang tru ¢6 45 canh c6 bao nhiéu mat?
A. 15. B. 20. C. 18. D. 17.

Tong s6 dinh, s6 canh va s mit cta hinh 14p phuong 1a
A. 16. B. 26. C. 8. D. 24.

Khéi lang tru ngii gidc c6 bao nhiéu mat?
A. 7 mat. B. 9 mat. C. 6 mat. D. 5 mat.

Khéi da dién co tht ca cac mat 1a hinh vuong c6 bao nhiéu dinh.

A. 8. B. 4. C. 16. D. 20.

Mot hinh chép c6 tit ca 2018 mat. Hoi hinh chop d6 c6 bao nhiéu dinh?

A. 1009. B. 2018. C. 2017. D. 1008.

Mot hinh da dién c6 cac mat 1a cac tam gidc co s mat M va sb canh C cua da dién d6 thoa man
hé thirc nao dudi day

A. 3C=2M B. C=2M C.3M =2C D.2C=M
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BAI 2. KHOI PA DIEN LOI — KHOI PA DIEN PEU

@ LY THUYET.

1. Khéi da dién 10i
Khéi da dién duoc goi 1a khdi da dién 16i néu véi bat ki hai diém 4 va B nio cua nd thi moi diém
thudc doan thing 4B ciing thudc khéi da dién do.

A c | — /
F
Khéi da dién 10i. Khéi da dién khéong 16i

Luwu y: Mot khdi da dién 1a khdi da dién 161 khi va chi khi mién trong ctia n6 ludén nam vé mot phia d6i
v6i méi mit phang di qua mot mit cia nd. (Hinh 2.2)

Hinh 2.2

Cong thirc O-le : Trong mot da dién 16i néu goi D la sé dinh, C la sé canh, M la sé mit
D-C+M=2.

2. Khéi da dién déu

a. Pinh nghia

Khéi da dién déu 1a khéi da dién 16i c6 hai tinh chat sau day:

+ Cac mit 1a nhitng da giac déu I canh.

+MBoi dinh 13 dinh chung ctia dung p mit.

Khéi da dién déu nhu vay goi 1a khéi da dién déu loai {n, p}

b. Pinh Iy

Chi c6 5 loai khéi da dién déu. Do 1a loai {3;3}, loai {4;3}, loai {3;4}, loai {5;3} loai {3;5} .Tiy theo
s6 mit cua chung, 5 khdi da dién trén 1an luot ¢ tén goi la: Khdi tt dién déu; khdi lap phuong; khdi bat
dién déu; khdi muoi hai mat déu, khdi hai muoi mat déu.

3. Bang tém tit ciia 5 loai khéi da dién déu
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Khéi da dién déu 50 50 S0 Loai
dinh canh mat

Ta  dién
\ - 4 4 3;3
deu ‘ 6 { }
Khoi lap 5 8 12 6 {43}
phuong Ll
Bat  dién A
. - 12 3,4
déu V/ 6 8 34
Muor, hai ‘.’ 20 30 12 {5;3}
mat déu

AN
Hsiu muoi L‘A 12 30 20 {3;5}
mat déu V

Ch y: Gia sir khdi da dién déu loai {1, p} c6 D dinh, C canhva M mit:
pD=2C=nM

B. MOT SO KET QUA QUAN TRONG

Két qua 1: Cho mot khdi tir dién déu. Khi do:

+ Cac trong tdm cuia cdc madt cua no6 1a cac dinh ctia mot tr dién déu;

+ Cac trung diém cua cac canh cta no6 la cac dinh cua mdt khoi bat dién déu (khoi tdm mat deu).

Két qua 2: Tam cta cac mat cua mot khdi 1ap phuong la cac dinh ctia mot bat di¢n déu.

Két qua 3: Tam cua cac mat cua mot bat dién déu 1a cac dinh ciia mot hinh 1ap phuong.

Két qua 4: Hai dinh cua mot bat dién déu duoc goi 12 hai dinh d6i dién néu chung khong cing thudce
mot canh cua khéi d6. Poan thing ni hai dinh déi dién goi 1a dwong chéo cua khdi bat dién déu. Khi
do:

+ Ba dudng chéo cét nhau tai trung diém cia mdi duong;

+ Ba duong chéo d6i mot vudng gdc voi nhau,

+ Ba duong chéo bang nhau.
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@ HE THONG BAI TAP TRAC NGHIEM.

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cho hinh chop S.ABCD c6 ddy ABCD 14 hinh vuéng va S4 vuéng goc véi (ABCD) . Hinh chop
nay c6 mit doi xing nao?
A. Khéng co. B. (S4B). C. (84C) . D. (S4D).

Hinh da dién nao dudi day khong c6 tam d6i xtimg?

U7

A. T& dién B.Batdién déu. C. Hinhlap phuong. D. Lang try luc

déu. giac déu.
Goi n,, n,, n, 1an lugt 13 s truc ddi ximg cuia khdi tir dién déu, khdi chop tir gidc déu va khoi lap
phuong. Ménh dé nao sau day la dung?
Aon=0n=0n=6 B.n=0mn=1n=9.

Conm=3n=1n=9. D.»n=0n=1n=3.

Cho hinh 1ap phwong ABCD.4'B'C'D’ tam O (tdm d6i xtmg). Anh cta doan thing A'B  qua phép
d6i xting tam D, 1a doan thing

A. DC'. B. CD'. C. DB'. D. AC'.

Trung diém céc canh ctia mét ti dién déu la

A. Céc dinh ctia mot hinh tir dién déu. B. Cac dinh ciia mét hinh bat dién déu.

C. Céac dinh ciia mot hinh mudi hai mat déu. D. Cac dinh ciia mot hinh hai muoi mat déu.
Chon khang dinh diing trong cac khang dinh sau:

A. Tam tit ca cac mat ctia 1 hinh 1ap phuong thi tao thanh mét hinh 1ap phuong.

B. Tam tit ca cac mat cua 1 hinh t&r dién déu thi tao thanh mot hinh ta dién déu.

C. Tam tit ca cic mit cta 1 hinh tr dién déu thi tao thanh mdt hinh lap phuong.

D. Tam tit ca cic mit cia 1 hinh lap phuong thi tao thanh mdt hinh tor dién déu.
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@ BAI TAP TRAC NGHIEM TONG HOQP.

Ciu 1:  (Pé Tham Khiao 2017) Hinh da dién trong hinh v& c6 bao nhiéu mt?

>~

A. 12 B. 11 C.6 D. 10

Cau 2: Hinh da dién sau ¢6 bao nhiéu canh?

"
swg
LT
=

A. 15 B. 12 C. 20 D. 16

Cau 3: Hinh chop ngii giac c6 bao nhiéu mat?
A. Bay. B. Sau. C. Nam. D. Muoi.
Cau4: Trong mot khcf)i da dién, ménh dé nao sau day dung?
A. Hai canh bat ky c¢ it nhat mot diém chung
B. Ba mit bét ki ¢6 it nhdt mot dinh chung
C. Hai mat bat ki 6 it nhat mot diém chung
D. Mdi dinh 1a dinh chung cua it nhat ba mat
Cau 5: Trong cic ménh dé sau, méqh dé nao d}ing? ‘
A. Ton tai hinh da dién c6 s6 dinh va s6 mat bang nhau.
B. S6 dinh va sd mat ciia mot hinh da dién luon béng nhau.
C. Tdn tai mot hinh da dién c6 sb canh va sé mit béng nhau.
D. Ton tai mot hinh da dién c6 s canh bﬁng s6 dinh.

Cau 6: Hinh nao sau day khong phai 1a hinh da dién?
A. Hinh lang try. B. Hinh chop. C. Hinh 1ap phuong. D. Hinh vudng.

Cau 7: Chg cac ménh dé sau: . ‘
I/ SO canh ctia mot khoi da dién 161 luén 16n hon hodc bang 6 .
11/ S6 mat cua khéi da dién 16i ludn 16n hon hodc bang 5.
111/ S6 dinh ctia khdi da dién 16i luon 16n hon 4.
Trong cac ménh dé trén, nhitng ménh dé nao 1a ménh dé dung?
A. Il valll B.Ivall C.Chil D. Chi II

Cau 8:  Cho khéi da dién déu. Khang dinh nao sau day 1a sai? , o
A. S6 dinh cua khoi 1ap phuong bang 8. B. SO mat cua khoi tir dién déu bang 4.
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C. Khéi bat dién déu 1a loai {4;3}. D. S6 canh cua khdi bat dién déu bang 12.

Cau9: Co tit ca bao nhiéu khéi da dién déu
A. 6. B. 5. C.7. D. 4.

Cau 10:  S6 canh cta hinh 12 mat déu la:
A. 20. B. 30. C. 16. D. 12.

Cau 11: Hinh nao duoi day khong phai 1a hinh da dién?

4o m |
= i :
: |
.—'J-—-___ ' ,4’)--____
Hinh 1 [0k 2 Hinh 3 Hinh 4
A. Hinh 3. B. Hinh 2. C. Hinh 4. D. Hinh 1.

Chu 12:  Khoi da dién déu loai {3;5} 1a khoi
A. Hai muoi mit déu.  B. Tam mit déu. C. Lap phuong. D. Tt dién déu.

Cau 13: Hinh v€ bén dudi c6 bao nhiéu mat

A. 7. B. 9. C. 4. D. 10.

Céu 14: Biét (H) 1a da dién déu loai {3;5} véi sb dinh va s canh lan lugtla @ va b. Tinh a—b.
A. a-b=18. B. a-b=-8. C.a-b=-18. D. a-b=10.

Cau15: Goi n 1a s6 hinh da dién trong bdn hinh trén. Tim 7.

A. n=3. B.n=2. C.n=1.

Céu 16: Khbi da dién déu loai {4;3} 1a:
A.Khéi tir dién déu.  B. Khéi lap phuong.  C. Khdi bat dién déu. D. Khdi hop chit nhat.

Cau 17: Khdi da dién déu nao sau day c6 mat khong phai 1a tam giac déu ?
A. Tam mat déu. B. Tir dién déu. C. Mu61 hai mat déu. D. Hai muoi mat déu.

Céu 18: S hinh da dién 15i trong cac hinh dudi day 1a
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:
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EEct Y=

B

A. 0 B. 1 C.2 D. 3

Cho khdi da dién déu loai {3; 4} . Tong cac goc phang tai 1 dinh cua khéi da dién bang
A. 324°. B. 360°. C. 180°. D. 240°.
Hinh nao dudi day khong phai 1a mot khéi da dién?

A . B.. .

Co L n, D. ) ) . .

Hinh nao dudi day khong phai 1a hinh da di¢n?

A~ B. £ : C. . D. L7
Khoi da dién 12 mit déu c6 s6 dinh va sb canh lan luot 14

A. 30 va 20. B. 12 va 20. C. 20 va 30. D. 12 va 30.
Khdi hai muoi mat déu thudc loai ndo sau day?
A. {3;4} B. {4;3} C. {35} D. {53}

Khdi da dién c6 mudi hai mit déu 6 s6 dinh, sd canh, sd mat 1an luot 1a:
A. 30, 20, 12. B. 20, 12, 30. C. 12, 30, 20. D. 20, 30, 12.
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Céu 25: Trong cac hinh duéi day hinh nao khong phai da dién 16i?
Hinh I Hinh IT Hinh II1 Hinh IV

A. Hinh (IV). B. Hinh (I10). C. Hinh (ID). D. Hinh (I).

Cau 26: Hinh da dién bén c6 bao nhiéu mat?

A. 7. B. 11. C.12. D. 10.

Céu 27: Mot hinh lang tru c6 dang 11 canh bén thi hinh ling tru d6 c6 tat ca bao nhiéu canh?
A. 33. B. 31. C. 30. D. 22.

Cau 28: Trong céac hinh dudi day, hinh nao 1a hinh da dién?

T

Hinh 1 Hinh 2 Hinh 3 Hinh 4
A. Hinh 4. B. Hinh 2. C. Hinh 1. D. Hinh 3.
Cau 29: Cho da giac déu 16 dinh, H6i c6 bao nhiéu tam giac vudng c6 ba dinh 1a ba dinh cua da gidc déu
do?
A. 560. B. 112. C.121. D. 128.

Céu 30: Hinh da dién nao dudi ddy khéng co tim dbi ximg?

——r -
i
l'__ —_——

A. Tt dién déu. B. Bat dién déu. C. Hinh 1ap phuong.  D. Lang try luc giac déu.
Cau 31: (Mi 123 2017) Hinh hop chit nhat c¢6 ba kich thudc d6i mot khac nhau ¢ bao nhiéu mét phang dbi

xung? i )

A. 6 mdt phang B. 9 méit phang C. 3 mat phang D. 4 mat phang

CAu 32: Hinh tt dién déu c6 bao nhiéu truc dbi xung?
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:
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A. 0. B. 1. C.3. D. 2.

Mot hinh hop ding c6 day 1a hinh thoi (khong phai 1a hinh vuéng) c6 bao nhiéu mit phang dbi
xtng?

A. 3 mit phang. B. 4 mait phang. C. 2 mit phing. D. 1 mit phang.

Hinh hop chir nhét ¢ ba kich thudc d6i mot khac nhau c6 bao nhiéu mit phang ddi xtng?

A. 6 mit phang. B. 4 mit phang. C. 3 mat phing. D. 9 mit phang.

Hinh tt dién déu co tit ca bao nhiéu mat phing d6i xtmg?

A. 6. B. 3. C. 4. D. 2.

Biét ring mot hinh da dién H c6 6 mat 1a 6 tam giac déu. Hiy chi ra ménh dé nao dudi day 1a

ding?

A. Khong ton tai hinh H nao c6 mat phing dbi xing.

B. C6 ton tai mot hinh H ¢ dung 4 mat dbi xtmg.

C. Khong ton tai hinh H nao c6 dang 5 dinh.

D. C6 tn tai mot hinh H c6 hai tam d6i xtmg phan biét.

Hinh chop ttr giac déu c6 bao nhiéu mat phing dbi ximg?

A. 2. B. 6. C. 8. D. 4.

Hinh da dién nao du6i day khong c6 tam doi xtmg?

A. Hinh bat dién déu.  B. Hinh tr dién déu.  C. Hinh lap phuong D. Hinh lang tru tir gidc
déu.

Hinh nao duédi nao dudi day khéng cé truc doi xing?

A. Tam giac can. B. Hinh thang can. C. Hinh elip. D. Hinh binh hanh.
Hinh ling tru tam gidc déu co tit ca cic canh bang nhau c6 bao nhiéu mit phang di xtng?

A. 4. B. 3. C.5s. D. 6.

Khéi bat dién déu c6 bao nhiéu mit phang dbi ximg?

A. 8. B. 4. C.9. D. 6.

(M3 110 2017) Mit phing (AB'C") chia khi lang try ABC.A'B'C’ thanh cic khéi da dién nio?

A. Hai khdi chép tir giac.

B. Hai khéi chop tam giac.

C. Mot khdi chop tam gide va mot khdi chop ngii giac.

D. Mot khdi chop tam gidc va mot khdi chop tir giac.

Cit khdi try ABC.4'B'C' boi cac mit phing (4B'C') va (ABC") ta dugce nhitng khéi da dién nao?
A. Hai khdi ttr dién va hai khdi chop tir giac.

B. Ba khéi tir dién.

C. Mot khéi ttr dién va hai khéi chop tir gidc.

D. Hai khéi ttr dién va mot khdi chop tir giac

Cho khéi ttr dién ABCD . Lay diém M nam gitta 4 va B, diém N nam gitta C va D . Bang hai
mit phang (CDM ) va (ABN ), ta chia khéi tir dién d6 thanh bén khdi tir dién nao sau day?

A. NACB, BCMN , ABND, MBND. B. MANC, BCDN , AMND, ABND .

C. MANC, BCMN , AMND , MBND. D. ABCN, ABND, AMND , MBND.
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Cau 45:

Cau 46:

Cau 47:
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Cét khdi try ABC.A'B'C' boi cac mit phing (AB'C') va (ABC') ta dugc nhiing khéi da dién nao?
A. Mot khbi tir dién va hai khdi chop tir giac.  B. Ba khdi tir dién.

C. Hai khoi tir dién va hai khéi chop tir giac.  D. Hai khéi tir dién va mot khéi chop tir gic.

Cit khéi lang tru MNP.M'N'P' béi cac mit phing (MN 'P') va (MNP’) ta duoc nhiing khéi da dién
nao? ) ) )

A. Ba khoi tir dién. B. Hai khoi tr dign va mot khoi chop tir giac.

C. Hai khdi tir dién va hai khdi chop tir giac.  D. Mot khdi tir dién va mot khdi chop tir giac.

C6 thé chia mot khdi 14p phuwong thanh bao nhiéu khi tir dién c6 thé tich bing nhau ma cac dinh
cua tr di¢n cling 1a dinh cta hinh 1ap phuong?

A. 2. B. 8. C. 4. D. 6.

Page 14



CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 1. KHOI PA DIEN

@ LY THUYET.

1. Khai niém vé hinh da dién

« Hinh da dién 1a hinh dugc tao bai mot s6 hitu han cac da giac thoa man hai tinh chét

1. Hai da giac phan biét chi co thé hodc khong cé diém chung, hoac chi c6 mgt dinh chung, hodc
chi c6 mot canh chung.

ii. Mdi canh cua da gidc ndo ciing 1a canh chung cuia dung hai da giéc.

« MOi da giac nhu trén dugc goi la mot mat cua hinh da dién.

e Cac dinh, cac canh cua da giac éy theo thtr tu goi 1a cac dinh, cac canh ctia hinh da dién.

2. Khai niém vé khéi da dién

o Khbi da dién 1a phan khong gian duoc gidi han boi mot hinh da dién, ké ca hinh da dién do.

o Nhitng diém khong thudc khéi da dién duoc goi 1a diém ngoai ctia khdi da dién.

@ Tap hop cac diém ngoai duoc goi 1a mién ngoai ctia khdi da dién. )

e Nhiing diém thudc khoi da dién nhung khong thude hinh da di¢n ting vdi da dién ay duoc goi
1a diém trong ctia khdi da dién.

@ Tap hop cac diém trong dugc goi 13 mién trong cua khéi da dién.

e MOoi khoi da dién dugc xac dinh bdi mét hinh da dién tng v6i nd. Ta cling goi dinh, canh,
mit, diém trong, diém ngoai... cua mot khéi da dién theo tht tu 1a dinh, canh, mat, diém trong,
diém ngoai...cua hinh da dién tuong tng.

« Khéi da dién duoc goi la khdi lang tru néu n6 duogc gi61 han bdi mat hinh lang tru.

« Khéi da dién duoc goi la khdi chop néu n6 duoc €161 han bd1 mat hinh chop.

« Khéi da dién duoc goi la khdi chop cut néu n6 duogc gi61 han bdi mot hinh chop cut.

o Tuong tu ta ¢ dinh nghia vé khéi n — giac; khéi chop cut n — giac, khdi chop déu, khoi
hop,...

o Tén cua khéi lang tru hay khéi chop duoc dit theo tén cua hinh lang try hay hinh chop gidi
han no.
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Vi du:
d
Mién ngoai
Diém trong
Piém ngoai — ¢ M

% Céc hinh dudi day 1a nhitng khéi da dién:

7O

< Cac hinh dudi ddy khong phai 1a nhiing khéi da dién:

3. Mot s6 két qua quan trong

» Ket qua 1: Mot khoi da dién bat ki c6 it nhat 4 mat.

» Ket qud 2: Moi hinh da dién c6 it nhat 4 dinh

> Két qud 3: Cho (H) 1a da dién ma cac mit ctia né 13 nhimg da gidc c6 p canh. Néu sé mat caa
(H) 1alé thi p phaila sd chan.

Chirng minh: Goi m 13 sb mit cua khéi da dién (H) . Vi mdi mit caa (H) ¢6 p canh nén m
mat s€ c6 pm canh. Nhung do mdi canh 1a canh chung cua dung hai da giac nén s6 canh cua (H)
béang ¢ Zme .Vim lénén p phaila sd chin.

> Két qua 4: (suy ra tiv chieng minh két qud 3): Cho (H) 1a da dién c6 m mit, ma cac mit cia

pm

no la nhitng da giac p canh. Khi do6 s6 canh ctia (H) 1a ¢ = =

» Keét qud 5: Moi khoi da dién c6 cac mat 1a cc tam gidc thi tong sO mat cuia nd phai la mot so
chén.
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Chirng minh:Goi s6 canh va s6 mat cua khoi da dién lan lugt la ¢ va m .
Vi moi mét c6 ba canh va moi canh la canh chung cia dung hai mét nén ta c6 s6 canh cua da di¢n

3 . . . 3
la c= Tm (c6 thé ap dung ludn két qua 4 dé suy ra ¢ = Tm ).

Suy ra 3m=2c¢=3m 1a s6 chin = m 1a s6 chén.

Vidu

+ Khdi tir dién ABCD c6 4 mit ma mdi mit 1a mot tam giac.

+ Xét tam gidc BCD va hai diém A, E & vé hai phia cia mdt phang (BCD). Khi d6 ta c6 luc
dién ABCDE c6 6 mat 1a nhitng tam giac.

+ Khbi bat dién ABCDEF ¢6 8 mit 1a cac tam giac.

+ X¢ét ngti giac ABCDE va hai diém M, N & vé hai phia cua mat ph'fmg chtra ngti giac. Khi do
khdi thap dién MABCDEN c6 10 mat 1a cac tam giac.

> Két qua 6: Mbi khbi da dién bét ki ludn c6 thé dugc phén chia thanh nhimg khdi tir dién.

> Két qud 7: Mbi dinh ctia mot hinh da dién 1a dinh chung cua it nhét 3 canh.

> Két qua 8: Néu khdi da dién c6 mdi dinh 13 dinh chung ctia 3 canh thi s6 dinh phai 1a s6 chén.
Tong quat : Mot da dién ma mdi dinh cta né déu 1a dinh chung cia mot sé 1& mat thi tong sb
dinh 1a mot s6 chén.

> Két qud 9: Mbi hinh da dién c6 it nhit 6 canh.

> Két qud 10: Khong tdn tai hinh da dién 6 7 canh.

> Két qud 11: Véi mdi sd nguyén k >3 ludn ton tai mot hinh da dién c6 2k canh.

> Két qud 12: Véi mdi s6 nguyén k >4 ludn ton tai mot hinh da dién c6 2k +1 canh.

> Két qud 13: Khong ton tai mot hinh da dién c6

+ S6 mit 16m hon hodc br:ing s6 canh.

+ Sé dinh 16n hon hodc br:ing s6 canh.

> Két qud 14: Ton tai khdi da dién c6 2n mit 13 nhimng tam giac déu.

Khéi tir dién déu c6 4 mit 1a tam giac déu. Ghép hai khéi tir dién déu bang nhau (mot mit cia ti
dién nay ghép vao mdt mat cua tir dién kia) ta duoc khdi da dién H ¢ €0 6 mdt la cac tam giac déu.
Ghép thém vao H, mot khéi tr dién déu nira ta duge khéi da dién H, ¢ €O 8 mat la cac tam giac

déu. Bang cach nhu vay ta duoc khéi da dién 2n mat 1 nhitng tam giac déu.

He Hs
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@ HE THONG BAI TAP TRAC NGHIEM.

Cau 1:

Ciu 2:

Caiu 3:

Cau 4:

Moi hinh sau gobm mot so hiru han da gidc phang (k& ca cac diém trong ctia nd), s6 hinh da dién la

e '
B. 2. C.3

Loi gidi

e
-
-
-
-

Chon C

Hinh da dién 14 hinh duoc tao bodi mot s6 hitu han cac da giac théa man hai tinh chét:

a. Hai da giac bat ki hodc khong cé diém chung, hodac c6 mot dinh chung, hodc c6 mdt canh chung.
b. Mi canh ciia da giac 1a canh chung cuia dung hai da giac.

Ta thiy c6 ba hinh thoa man hai tinh chit trén.

M&i dinh cta hinh da dién 13 dinh chung cua it nhat bao nhiéu mat?

A. Nim mit. B. Ba mit. C. Bbn mit. D. Hai mit.
Loi gidi

Chon B

MBbi dinh ctia hinh da dién 1a dinh chung cua it nhat ba mat.

Lang tru tam giac c6 bao nhiéu mat?
A. 6. B. 3. C.9.
Loi giai

IS
(9,

Chon D

Al’ ¢
* Lang try tam giac c6 5 mat gé)m 3 mat bén va 2 mat day.

Goi n 14 s hinh da dién trong bon hinh trén. Tim # .
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A.n=4. C.n=1. D. n=3.
Loi gii

Chon D

S6 hinh da dién 1 3 vi hinh dau tién khong phai hinh da dién.

Cau 5: Cho modt hinh da dién. Tim khéng dinh sai trong céc khfmg dinh sau:
A. Mdi dinh 1a dinh chung cua it nhit ba canh.
B. Mbi dinh 1a dinh chung cua it nht ba mit.
C. Mbi canh 1a canh chung cua it nhat ba mat.
D. M&i mat ¢6 it nhit ba canh.

Loi giai
Chon C
Cau 6: Hinh nao sau day khong phai la hinh da di¢n?
A. Hinh tru. B. Hinh tr dién. C. Hinh lap phuong. D. Hinh chop.
Loi giai.
Chon A

Cau7: Trong cic ménh dé sau ménh dé nao ding?
A. Mbi hinh da dién c6 it nhit bon dinh.
B. Mbi hinh da dién c6 it nhat ba dinh.
C. S6 dinh ctia mot hinh da dién 16n hon hodc béng s6 canh ctia no.
D. SO mat cia mot hinh da dién 16n hon hodc béng s6 canh cia no.
Loi giai
Chon A
C va D sai (Vi du hinh tr di¢n); B sai vi khong c6 hinh da dién nao ba dinh.

Cau 8: Trong cac ménh dé sau, ménh dé nao dang?
A. Tdn tai mot hinh da dién c6 sd canh bﬁng s6 dinh.
B. Ton tai mot hinh da dién c6 s6 canh va sé mat béng nhau.
C. S6 dinh va s6 mit cua hinh da dién luén bang nhau.
D. Tén tai mot hinh da dién c6 s dinh va s mait bﬁng nhau.
Loi giai
Chon D
Hinh tir dién c6 4 dinh va 4 mat.

Cau 9: Cho modt hinh da dién. Khéng dinh nao sau day sai?
A. Mdi canh 1a canh chung cua it nhat ba mat.
B. Mbi dinh 1a dinh chung cua it nhat ba canh.
C. Mdi dinh 14 dinh chung cta it nhat ba mit.
D. M&i mat c6 it nhit ba canh.
Loi gidi

Chon A
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Hinh tir dién c6 4 dinh va 4 mat.

Khéi ling tru ngii giac c6 tat ca bao nhiéu canh?

A. 20. B. 25. C. 10. D. 15.
Loi gidi

Chon D

Hinh vé.

Cit khoi tru ABC.A'B'C’ béi cdc mit phang (AB'C') va (ABC') ta dugc nhitng khdi da dién nao?
A. Hai khdi ttr dién va mot khdi chop tir giac.
B. Mot khéi tir dién va hai khéi chop ttr gic.
C. Ba khdi tu dién.
D. Hai khéi ttr dién va hai khdi chop tir gic.
Loi giai
Chon C

Ta c6 ba khéi tir dién 1a 4.4'B'C"; B'.ABC'";C".ABC.
Goi n 1 sb canh caa hinh chop c6 101 dinh. Tim #n.
A. n=202. B. n=200. C. n=101. D. n=203
Loi giai
Chon B
Ta c6: khoi chop c6 day la da giac n canh thi c6 n+1 dinh, n+1 mat va 2n canh.
Khi d6 khdi chop c6 101 dinh, do d6 da giac ddy c6 100 canh, suy ra khdi chop c6 200 canh.

Hinh lang tru ¢c6 45 canh c6 bao nhiéu mat?

A. 15. B. 20. C. 18. D. 17.
Loi gidi

Chon D
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi x 1a s canh cua mot mat day hinh lang truta c6 3x =45 < x=15.
Vay hinh lang try c6 15 mat bén va 2 mat day.
S6 mat cua hinh lang try 1a 17.

Tong s6 dinh, sb canh va s mit cta hinh 14p phuong 1a

A. 16. B. 26. C. 8. D. 24.
Loi giai

Chon B

Hinh 1ap phuong c6 8 dinh, 12 canh va 6 mat.

Vay tong s6 dinh, s6 canh va s6 mat cta hinh lap phuong 1a 26.

Khdi lang tru ngii gidc c6 bao nhiéu mat?
A. 7 mat. B. 9 mat. C. 6 mat. D. 5 mat.

Loi giai

Chon A

Khdi lang tru ngii gidc ABCDE.A'B'C'D'E' ¢6 7 mit (5 mat bén va 2 mat day).

Khdi da dién c6 tat ca cac mat 1a hinh vudng c¢6 bao nhiéu dinh.
A. 8. B. 4. C. 16. D. 20.
Loi giai
Chon A
Khdi da dién co tat ca cac mat 13 hinh vudng 1a khdi 1ap phuong. Do d6 khéi 1ap phuong c¢6 8 dinh.

Mot hinh chép c6 tat ca 2018 mat. Hoi hinh chop d6 ¢ bao nhiéu dinh?

A. 1009. B. 2018. C. 2017. D. 1008.
Loi gidi

Chon B

Gia str s dinh cua da giac day cua hinh chop 1a n (n > 3)thi da giac day s€ c6 , canh.

Do d6, s6 mit bén cta hinh chop 14 .

Theo bai ra ta c6 phuong trinh

n+1=2018 < n=2017.

Do d6, s dinh cua hinh chép 1a 2018 .

Mot hinh da dién c6 cac mat 1a cac tam gidc co s mat M va sb canh C cua da dién d6 thoa man
hé thurc nao duoi day
A. 3C=2M B. C=2M C.3M =2C D.2C=M
Loi giai
Chon C
Mbi mit cua da dién trén 1a mot tam giac (3 canh)
SO mit ciia da diénla M — téng tat ca s6 canh tao nén tat ca tam giac thuoc da dién do 1a 3M .
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Néu cét nho cac da giac ra khoi khdi da dién, ta théy mdi canh cua khoi da dién 1a canh chung cua

dung hai tam giac = Téng s6 canh tao nén tat ca cac tam giac 1a 2C
Vaytaco 3M =2C.

Page 8



CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

BAI 2. KHOI PA DIEN LOI - KHOI PA DIEN PEU

@ LY THUYET.

1. Khéi da dién 16i
Khéi da dién duoc goi 1a khdi da dién 16i néu véi bat ki hai diém 4 va B nao cua nd thi moi diém
thudc doan thing 4B ciing thudc khdi da dién do.

A c |
F
Khoi da dién 16i. Khoi da dién khéong 16i

Luwu y: Mot khdi da dién 1a khdi da dién 16i khi va chi khi mién trong ctia n6 ludn ndm vé mét phia ddi
v6i moi mit phang di qua mot mit cia nd. (Hinh 2.2)

Hinh 2.2

Cong thirc O-le : Trong mét da dién 16i néu goi D la sé dinh, C la sé canh, M la sé6 mat

D-C+M =2.

2. Khdi da dién déu

a. Dinh nghia

Khéi da dién déu 1a khéi da dién 16i c6 hai tinh chat sau day:

+ Céc mit 12 nhiing da giac déu Il canh.

+ Mbi dinh 1a dinh chung ctia dung p mit.

Khéi da dién déu nhu vy goi la khéi da dién déu loai {n, p|

b. Pinh Iy

Chi ¢6 5 loai khéi da dién déu. Do 1a loai {3;3}, loai {43}, loai {3;4}, loai {5;3},loai {3;5}.Tuy theo

s6 mit cua chang, 5 khdi da dién trén 1an luot co tén goi la: Khdi t dién déu; khoi 1ap phuong; khdi bat
dién déu; khéi muoi hai mit déu, khbi hai muoi mat déu.
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3. Bang tém tit ciia 5 loai khoi da dién déu

‘. o ax S6 S6 S6 )
Khoi da di¢n déu dinh canh mit Loai
Ta  dién

‘ . 3:3
déu ‘ 4 6 4 3.3}
Khoi lap 5 8 12 6 {43}
phuong IR
Bat dién A

3 | 3;4
ey / 6 12 8 {3;4}
Muoi hai ‘.’ 20 30 12 (5;3)
mat déu

P A
Hai muor m 12 30 20 {3;5}
mat déu ‘v/

Chii y: Gia st khéi da dién déu loai {n,p} c6 D dinh, C canhva M mit:
pD=2C =nM

B. MOT SO KET QUA QUAN TRONG

Két qua 1: Cho mot khéi tir dién déu. Khi do:

+ Céc trong tdm cua cadc mat cua nd la cac dinh ctia moét tur dién déu;

+ Cac trung di€m cua cac canh ctia né la cac dinh ctia mét khoi bat dién déu (khoi tdm mat deu).

Két qua 2: Tam cia cac mit caa mot khoi 1ap phuong 13 cac dinh cia mot bat dién déu.

Két qua 3: Tam cia cac mit cia mot bat dién déu 13 cac dinh cia mot hinh 1ap phuong.

Két qua 4: Hai dinh ciia mot bat dién déu dugc goi 1a hai dinh di dién néu ching khong cing thudce
mot canh cua khoi do. Poan thang noi hai dinh doi dién goi 1a dwong chéo cua khoi bat dién déu. Khi
do:

+ Ba dudng chéo cit nhau tai trung diém ctia mdi dudng;

+ Ba duong chéo d6i mot vudng goc voi nhau;

+ Ba duong chéo bang nhau.
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@ HE THONG BAI TAP TRAC NGHIEM.

Cau 1. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vudng va S4 vudng goc voi (ABCD) . Hinh chép
nay c6 mit ddi xting nao?
A. Khéng co. B. (S4B). C. (84C) . D. (S4D).
Loi giai
Chon C.
Taco: BD L (SAC ) va O 1atrung diém cia BD. Suy ra (SAC ) 12 mit phang trung truc cua

BD. Suyra (SAC) 1a mat ddi xtng ciia hinh chép, va day 1a mat phang duy nhat.

5
‘ ﬂ
[ o

Ciu 2. Hinh da dién nao dudi day khong co tam ddi ximg?

< P

A. Tt dién déu. B. Bat dién déu. C.Hinhlap phuong. D.Lang tru luc gidc
déu.

Loi gii
Chon A
Cau3. Goi u, n,, n, 1an luot 12 s6 truc ddi xtng cua khdi tir dién déu, khéi chop tir giac déu va khdi 1ap

phuong. Ménh dé nao sau day 1a ding?

A.n=0,n=0,n =6 B.n=0n=1mn=09.

C.on=3mn=1n=9. D. n=0,n=1 n=3.
Loi giai

Chon C.

Khéi tir dién déu c6 3 truc ddi ximg (di qua trung diém cua cac cap canh dbi dién). Khéi chop ti

giac déu co 1 truc dbi xtng (di qua dinh va tim cta mat t giac). Khdi lap phuong ¢ 9 truc ddi

xung (Loai 1: di qua tam cua cac mat ddi dién ; Loai 2: di qua trung diém céc cap canh ddi dién).
Cau 4. Cho hinh lap phuong ABCD.A'B'C'D' tim O (tdm dbi xtng). Anh ctia doan thang A'B  qua phép

d6i xung tam D, 1a doan thang

A. DC'. B. CD'. C. DB'. D. AC'".
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Cau 5.

Cau 6.

CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi giai
Chon B.
Ta co
D, (4')=C;D,(B)=D"
Do do
D,(A'B)=CD'

f“' i
I
o AN 1
\
“\ } v o7
Y 4
A \
'\ /
- q- S
&
& At
b A

Trung diém céc canh ctia mét ti dién déu la
A. Cac dinh ctia mét hinh tir dién déu. B. Céc dinh ctia mot hinh bat dién déu.
C. Cac dinh ciia mot hinh mudi hai mat déu. D. Céc dinh ctia mot hinh hai muoi mat déu.

Loi giai

Chon B.
Cho tir dién déu ABCD canh .. Goi M,N,P,I,J,K lan luot 1 trung diém cia cic canh

AB,BC,CD,AC, AD,DB.
Tacod: IM =IN = NM = %a (tinh chat dudng trung binh cta tam giac). Suy ra IMN déu.

Chiing minh tuong tu, ta c6 cac tam giac: IPN, IPJ, KPJ, KPN, IMJ, KMJ , KMN la cac tam
giac déu.
Tam tam gidc trén tao thanh mot da dién c6 cac dinh 13 Az, N, P, 1,7, K ma mdi dinh 1a dinh chung

clia ding 4tam giac déu. Do d6 da dién do 1a da dién déu loai {3;4} tuc 1a bat dién déu.

Chon khang dinh diing trong cac khang dinh sau:

A. Tam tit ca cac mat ctia 1 hinh 1ap phuong thi tao thanh mét hinh 1ap phuong.

B. Tam tt ca cdc mit ctia 1 hinh tr dién déu thi tao thanh mét hinh tir dién déu.

C. Tam tit ca cic mit cta 1 hinh t dién déu thi tao thanh mdt hinh lap phuong.

D. TAm tit ca cic mit cia 1 hinh lap phuong thi tao thanh mdgt hinh tr dién déu.
Loi giai
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Goi P, 1,J,K latim cua cac mat ABD, ACD, ABC, BCD cua tit dién déu ABCD.
Ta coO: ﬂ KN ljﬁ—lj[(]:la,

AN BN 3 BA 3
Chung minh tuong tu ta co: [Kz,]p:[J:p[:pK:K[:%a,

Vay PIJK 1a tir dién déu.
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@ BAI TAP TRAC NGHIEM TONG HOP.

Cau 1: (P& Tham Khio 2017) Hinh da dién trong hinh v& c6 bao nhiéu mat?

>~

A. 12 B. 11 C.6 D. 10
Loi gidi
Chon B
DPém day hinh chop c6 5 mat tam giac va 5 mat tir gidc va 1 mit ngi giac. Vay c6 11 mat.

Cau 2: Hinh da dién sau c6 bao nhiéu canh?

....
bbbbbb

A. 15 B. 12 C. 20 D. 16
Loi gidi
Chon D
Ly thuyét
Cau 3:  Hinh chop ngii giac ¢6 bao nhiéu mat?
A. Bay. B. Sau. C. Nam. D. Muoi.
Loi gidi

B

Hinh chop ngii gidc c6 nam mat bén va mot mat day, nén s6 mat cua no la squ mat.
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Cau 4:

Cau 5:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Trong mot khdi da dién, ménh dé nao sau day dung?
A. Hai canh bat ky c6 it nhat mot diém chung
B. Ba mit bét ki c6 it nhat mot dinh chung
C. Hai mit bat ki c6 it nhat mot diém chung
D. MGi dinh 14 dinh chung ca it nhat ba mat
Loi giai
Chon D
Theo tinh chat khdi da dién sgk hinh hoc 12.

Trong cac m¢nh dé sau, ménh dé nao ding?

A. Ton tai hinh da dién c6 s6 dinh va sd mat béng nhau.

B. S6 dinh va s6 mit cia mot hinh da dién ludn bang nhau.

C. Ton tai mot hinh da dién c6 sb canh va sé mat béng nhau.

D. Tdn tai mot hinh da dién c6 sb canh bﬁng s6 dinh.
Loi gidi

Hinh tir dién c6 sé dinh bang s6 mit va bang bon.

Hinh nao sau day khong phai 1a hinh da di¢n?

A. Hinh lang tru. B. Hinh chop. C. Hinh lap phuong. D. Hinh vudng.
Loi gidi

Chon D

Cho cac ménh dé sau:

I/ S6 canh ctia mot khdi da dién 161 luon 16n hon hodc bang 6.

11/ S6 mat cua khéi da dién 16i ludn 16n hon hodc bang 5.

111/ S6 dinh cua khoi da di¢n 16i ludn 16n hon 4.

Trong cac ménh dé trén, nhitng ménh dé nao 1a ménh dé dung?

A. Il valll B.Ivall C.Chil D. Chi II
Loi gidi

Chon C

Ménh dé IT sai vi khoi t& dién 1a khéi da dién 16i c6 sé mit nho hon 5

Ménh @8 111 sai vi khi t& dién 1a khéi da dién 16i ¢6 4 dinh

Cho khdi da dién déu. Khing dinh nao sau day la sai?

A. S6 dinh cta khdi 1ap phuong bang 8. B. S6 mit cua khdi tir dién déu bang 4 .

C. Khoi bat dién déu 1a loai {4;3}. D. S6 canh ciia khéi bat dién déu bang 12.
Loi gidi

Chon C

Khoi bét dién déu 1a loai {3;4}.

C6 tat ca bao nhiéu khéi da dién déu
A. 6. B. 5. C.7. D. 4.
Loi giai
Chon B
Co tat ca 5 khéi da dién déu 1a: Khéi tir dién déu, khdi 1ap phuong, khéi bat dién déu (hay khéi tam
mat déu), khdi muoi hai mit déu va khéi hai muoi mit déu.

S& canh caa hinh 12 mat déu 1a:
A. 20. B. 30. C.16. D. 12.
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Loi giai
Chon B
Ta c6 s6 canh ctia hinh muoi hai mat déu 1a 30.

Cau 11: Hinh nao dudi day khong phai la hinh da di¢n?

4o m |
- i :
: |
.—'J-—-___ ‘ ,4’)--____
Hinh 1 [0k 2 Hinh 3 Hinh 4
A. Hinh 3. B. Hinh 2. C. Hinh 4. D. Hinh 1.
Loi giai
Chon A

C6 mot canh 1a canh chung cia 3 mat.
Chu 12:  Khoi da dién deu loai {3;5} 1a khoi
A. Hai muoi mat déu.  B. Tam mit déu. C. Lap phuong. D. TG dién déu.
Loi giai
Chon A
Theo SGK Hinh hoc 12 trang 17 thi khéi da dién déu loai {3;5} 1a khéi hai muoi mét déu.

Cau 13: Hinh v€ bén dudi c6 bao nhiéu mat

A. 7 B. 9 C. 4 D. 10
Loi giai
Chon B

Tur hinh v€ 1 suy ra c6 9 mat.

Céu 14: Biét (H) la da dién déu loai {3;5} véi s6 dinh va s canh lan luotla @ va b. Tinh a—b.

A. a-b=18. B.a-b=-8. C.a-b=-18. D. a-5=10.
Loi giai
Chon C
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Da dién déu loai {3;5} 1a khéi hai muoi mit déu véi s dinh a =12 va s6 canh b=30.
Do d6 a-b=-18.

Cau 15:  Goi n 1a s6 hinh da dién trong bon hinh trén. Tim .

C.n=1.
Loi giai

Chon A
S6 hinh da dién 14 3 vi hinh d4u tién khong phai hinh da dién.
Céu 16: Khoi da dién déu loai {4;3} la:
A.Khdi tir dién déu.  B. Khdi lap phuong.  C. Khbi bat dién déu. D. Khéi hop chit nhat.
Loi giai
Chon B
Theo dinh nghia khoi da dién déu loai {4;3} 1a khoi c6: M&i mt la 1 da gidc déu c6 4 canh (hinh
vuodng), mdi dinh 13 dinh chung cua dung 3 mit. Vay no6 1a khdi 1ap phuong.
Theo bang tom tit vé ndm loai khdi da dién déu

Loai Tén goi S6 dinh S6 canh S mat
{3:3} | Tt dién déu 4 6 4
{4;3} Lap phuong 8 12 6
{3:4} | Bat dién déu 6 12 8
{5:3} | Muoi hai mat déu 20 30 12
{3;5} | Hai muoi mat déu 12 30 20

Ciau 17: Khbi da dién déu nao sau diy co mit khong phai 1a tam giac déu ?
A. Tam mat déu. B. T dién déu. C. Muoi hai mat déu.  D. Hai muoi mat déu.

Loi giai

Chgn C

Hinh khéi 12 mat déu.

Cau 18:  S6 hinh da dién 16i trong cac hinh du6i day la
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Cau 19:

Cau 20:

Cau 21:

Caiu 22:

CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

LA

A. 0 B. 1 C.2 D. 3
Loi giai

Chon B
Quan sat bon hinh trén ta thiy chi c6 mot hinh tht tu tir trai qua 13 hinh da dién 15i vi lay bét ky hai
diém nao thi doan thang ndi hai diém d6 nam trong khdi da dién.
Vay chi c6 mot da dién 16i.
Cho khéi da dién déu loai {3;4}. Téng c4c goc phang tai 1 dinh cua khéi da dién bing
A. 324°. B. 360°. C. 180°. D. 240°.
Loi giai
Chon D
Khoi da dién déu loai {3;4} 1a khéi bat dién déu, mdi mit 1a mot tam gide déu va tai mdi dinh c6 4
tam giac déu nén tong cac goc tai 1 dinh bang 240°.

Hinh nao dudi day khong phai 1a mot khbi da dién?
A. . B.. T ‘.

Co n n, D. ) |
Loi gidi

Chon D
Hinh nao dudi day khong phai 1a hinh da dién?

AT~ .. I/ C. ‘ [ P 4

Loi giai

Chon A

Khdi da dién 12 mit déu c6 sd dinh va s canh 1an luot 1a
A. 30 va 20. B. 12 va 20. C. 20 va 30. D. 12 va 30.
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Cau 23:

Cau 24:

Cau 25:

CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi gidi
Chon C

Khdi hai muoi mat déu thudc loai ndo sau day?
A. {3;4} B. {4;3} C. {3;5} D. {53}

Loi giai

Chon C

Khdi hai muoi mat déu co cac mat 1a tam giac nén thudc loai {3; 5} .

Khdi da dién c6 mudi hai mat déu c6 sd dinh, sb canh, s6 mit 1an luot 1a:

A. 30, 20, 12. B. 20, 12, 30. C. 12, 30, 20. D. 20, 30, 12.
Loi giai

Chon D

Trong céc hinh duéi ddy hinh nao khong phai da dién 16i?

<D 4y

HinhI Hinh II Hinh III Hinh IV
A. Hinh (IV). B. Hinh (III). C. Hinh (II). D. Hinh (I).
Loi giai
Chon A
N

Ta c6 duong ndi hai diém MN khong thudc hinh IV nén ddy khong phai 14 da dién 16i.
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Cau 26:

Cau 27:

Ciu 28:

Cau 29:

CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Hinh da dién bén c6 bao nhiéu mat?

A. 7. B. 11. D. 10.

Chon D
Hinh da dién bén c6 10 mat.

Mot hinh lang tru c6 ding 11 canh bén thi hinh ling tru d6 c6 tit ca bao nhiéu canh?

A. 33. B. 31. C. 30. D. 22.
Loi giai
Chon A

Hinh lang tru ¢6 11 canh thi diy c¢6 11 canh bén. Vay hinh lang tru c6 33 canh.

Trong céc hinh dudi day, hinh nao 1a hinh da dién?

=T

Hinh 1 Hinh 2 Hinh 3 Hinh 4

A. Hinh 4. B. Hinh 2. C. Hinh 1. D. Hinh 3.

Loi giai
Hinh 1, Hinh 2, Hinh 4 khong phai hinh da dién vi n6 vi pham tinh cht: “ mdi canh la canh chung
cua dang hai mat”.

Cho da giac déu 16 dinh, Hoi c6 bao nhiéu tam gidc vudng c6 ba dinh 13 ba dinh cua da giac déu
do?
A. 560. B. 112. C. 121. D. 128.

Loi giai
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Ta c6 da giac déu c6 16 dinh nén c6 8 dudng chéo qua tim. Ung v6i mbi dudng chéo qua tim c6
14 tam gidc vudng. Vay co6 8.14 =112 tam giac.

Céu 30: Hinh da dién nao dudi ddy khéng co tam dbi ximg?

i
i i
i i
i i
i i +
, f i i
\( i g R
i I -
o p .
-

A. Tt dién déu. B. Bat dién déu. C. Hinh 13p phuong.  D. Lang tru lyc giac déu.
Loi giai

Chon A
D& dang thiy hinh bat dién déu, hinh 1ap phwong va hinh lang truc luc giac déu c6 tam ddi xtmg.
Con tir dién déu khong c6 tam ddi xung.

Céu 31: (Mi 123 2017) Hinh hop chit nhét ¢6 ba kich thudc d6i mot khac nhau ¢ bao nhiéu mat phang ddi

xung?

A. 6 mit phing B. 9 mit phang C. 3 mit phang D. 4 mit phing
Loi gidi

Chon C

C!

Xét hinh hop chir nhat ABCD.A'B'C'D" ¢6 ba kich thudc d6i mét khac nhau.
Khi d6 c6 3 mit phang ddi ximg 13 MNOP,QRST, UVWX.

CAu 32: Hinh tt dién déu c6 bao nhiéu truc ddi xung?

A. 0. B. 1. C. 3. D. 2.
Loi giai
Chon C
2N -.
—_— . A
. ‘ / ” )
- i } - -
\ £
T .
A\‘ ™,
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi §1a tap hop cac dinh cua khdi tir dién déu ABCD . Gia sir d 14 truc dbi xtng cua tir dién da cho,
phép ddi xtmg truc d bién Sthanh chinh Snén d phai 13 trung truc cia it nhat mot doan thang ndi
hai dinh bt ky cua tir dién.

Vay tir dién déu c6 3 truc ddi xung 1a cac duong thiang ndi trung diém cua cac cip canh dbi dién.
Mot hinh hop dimg co day 1a hinh thoi (khong phai 1a hinh vudng) c6 bao nhiéu mit phang d6i
xung?

A. 3 mit phang. B. 4 mit phing. C. 2 mit phang. D. 1 mit phing.
Léi gidi
? (o]
o ? ©
[ he - /
fel : S

Hinh hop ding c6 day 1a hinh thoi c6 3 mit phang d6i xung trong d6 bao gdbm 2 mit phang chira
ting cdp duong chéo song song ctia mdi mit day va 1 mat phing cit ngang tai trung diém cta chiéu
cao hinh hop. Cu thé, theo hinh v& trén 1a: (BDEH ), (ACGF ), (1JKL).

Hinh hop chit nhat c6 ba kich thude d6i mot khac nhau c6 bao nhiéu mit phing déi xtng?

A. 6 mit phang. B. 4 mit phang. C. 3 mit phang. D. 9 mit phing.
Loi giai

Chon C

(L = { Y
. -

. -
. . M __
. - .

- -’ -

Hinh tir dién déu co tit ca bao nhiéu mit phang ddi xtng?
A. 6. B. 3. C. 4. D. 2.
Loi gidi

40449

Hinh ttr dién c6 tit ca 6 mat phang dbi xing.

Chon A

Biét rang mot hinh da dién H c6 6 mat 13 6 tam giac déu. Hay chi ra ménh dé nao dudi day 1a
duang?

A. Khong ton tai hinh H nao c6 miat phang ddi xung.

B. C6 ton tai mot hinh H c6 dung 4 mat ddi xing.
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

C. Khong ton tai hinh H nao c6 ding 5 dinh.
D. C6 tn tai mot hinh H c6 hai tam d6i xtmg phan biét.
Loi giai
Chon B
Ludn ton tai hinh da dién H c6 mit phiang ddi ximg va c6 dung 5 dinh, H khong c6 tam dbi xtng.
Hinh chép tir gidc déu c6 bao nhiéu mit phang ddi ximg?
A. 2. B. 6. C. 8. D. 4.
Loi giai
Chon D
D6 1a cac miat phiang (SAC), (SBD), (SHJ), (SGI) véi G, H, I, J 1acac trung diém cua cac

canh 4B, CB, CD, AD (hinh vé& bén du6i).

Hinh da dién nao dudi ddy khong ¢ tim ddi xting?

A. Hinh bat dién déu. B. Hinh ttr dién déu.

C. Hinh lap phuong D. Hinh lang try tir gidc déu.
Loi giai

Chon B

Ta ¢6 phép di xtmg tm I bién hinh (H ) thanh chinh né. Khi d6 hinh (H ) c6 tim ddi xtmg 1a [ suy
ra hinh lang tru t&r gidc déu, hinh bat dién déu va hinh 1ap phuong 13 cac hinh da dién c6 tim d6i
xung.

Hinh nao duédi nao dudi day khéng cé truc doi xing?

A. Tam giac can. B. Hinh thang can. C. Hinh elip. D. Hinh binh hanh.
Loi giai
Chon D
Hinh ling tru tam gidc déu co tit ca cic canh bang nhau c6 bao nhiéu mit phang ddi xtng?
A. 4. B. 3. C.5s. D. 6.
Loi gidi
Chon A

C6 4 mit phang d6i xtmg nhu hinh vé sau.
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NG

Céu 41: Khbi bat dién déu c6 bao nhiéu mit phang d6i xtimg?
A. 8. B. 4. C.9. D. 6.
Loi giai
Chon C

Hinh bat dién 4BCDEF c6 9 mit phang dbi xtmg: 3 mat phiang (4BCD),(BEDF ),(AECF) va

6 mat phing ma mdi mat phang 1a trung tryc cia hai canh song song.

Céu 42: (M3 110 2017) Mit phang (AB'C’) chia khdi ling try ABC.A'B'C’ thanh céc khdi da dién nao?
A. Hai khdi chép tir giac.
B. Hai khéi chop tam giéc.
C. Mot khéi chop tam giac va mot khdi chop ngii gidc.
D. Mot khéi chop tam giac va mot khdi chop tir giac.
Loi giai
Chon D

B’ B B’

Mit phing (AB'C") chia khdi ling try ABC.A'B'C’ thanh hai khéi chop
Chop tam giac: 4.A'B'C' va chop tlr giac: 4.BB'C'C.
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Cau 43:

Cau 44:

Cau 45:

CHUYEN PE I - HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cit khdi try ABC.4'B'C"' béi cac mat phing (4B'C') va (ABC") ta duge nhimg khéi da dién nao?
A. Hai khéi tir dién va hai khéi chop tir giac.
B. Ba khdi tir dién.
C. Mot khéi ttr dién va hai khéi chop tir gidc.
D. Hai khéi tt dién va mot khdi chop tir giac
Loi giai

Chon B

Ba khéi tu dién la A4’B’C’, ABB’C", ABCC’.
Cho khéi tir dién 4BCD. Ly diém M nam giita 4 va B, diém N nam giita C va D . Bang hai
mit phing (CDM ) va (4BN), ta chia khéi tir dién d6 thanh bén khdi tir dién nao sau day?

A. NACB, BCMN , ABND, MBND . B. MANC, BCDN , AMND, ABND .
C. MANC, BCMN , AMND , MBND.. D. ABCN, ABND, AMND, MBND.
Loi gidi
Chon C
A
M,
B D
N
C

Bing hai mit phing (CDM ) va (ABN), ta chia khdi tir dién d6 thanh bén khdi tir dién:
MANC, BCMN , AMND , MBND..

Cit khdi try ABC.A'B'C’' béi cac mit phing (AB'C") va (ABC') ta dugc nhiing khéi da dién nio?
A. Mot khéi tir dién va hai khéi chop tir giac.  B. Ba khéi tir dién.
C. Hai khdi tir dién va hai khéi chop tir giac.  D. Hai khéi tir dién va mot khéi chop tir giac.
Loi giai
Chon B
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Cau 46:

Cau 47:

CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

C'a

Ta c6 ba khdi ttr dién 1a 4.4'B'C"; B'.ABC";C".ABC .

Cit khdi lang try MNP.MN'P' boi cac mat phang (MN'P') va (MNP')ta dugc nhimg khéi da dién

nao?
A. Ba khéi tur dién. B. Hai khdi tir dién va mot khdi chop tr giac.
C. Hai khdi tir dién va hai khdi chop tir giac.  D. Mot khdi tir dién va mot khdi chop tir giac.
Loi gii
Chon A
M N
-

Cét khéi lang truy MNP.MN'P' béi cac mit phang (MN'P')va (MNP')ta dugc ba khdi tir dién 1a
P.MNP'; P.MNN'; M'MN'P'.

C6 thé chia mot khdi 14p phuwong thanh bao nhiéu khéi tir dién c6 thé tich bang nhau ma cac dinh
cua tr di¢n cling 1a dinh cta hinh 1ap phuong?
A. 2. B. 8. C. 4. D. 6.
Loi giai
Chon D
+ Ta chia khdi 1ap phuong thanh hai khéi ling try dung;
+ Ung v6i mdi khdi lang tru dung ta c6 thé chia thanh ba khdi tir dién déu ma cac dinh cua ti dién
cling 1a dinh cua hinh 14p phuong.
Viy c6 tit ca la 6 khéi tir dién co thé tich bang nhau.
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN

@ LY THUYET.

1. Khai ni¢m vé thé tich khoi da dién

Cho khéi da dién (H ), khi do thé tich khéi da dién (H) 1 s6 duong ¥, théa man :
a) Néu (H)1a khéi lap phuong c6 canh bang 1 thi V) =1.

b) Néu hai khéi da dién (H, )va (H,)bang nhau thi ¥, =V,

¢) Néu khdi da dién (H) duoc phan chia thanh hai khéi da dién (H, ) va(H, ) thi

Vi =Viuy Vi) -

Pinh Ii : Thé tich khéi hop chit nhit ¢6 ba kich thudc a.b.c: .

2. Thé tich khdi chép
+ Thé tich khdi chop |V = %.B.h
Trong d6 : B 1a dién tich da giac day. R c
h : 12 chiéu cao ciia khdi chop.
B
Al C1
Bl
C
H

3. Thé tich khoi ling tru

+ Thé tich khéi lang tru

Trong do : B 1a dién tich da giac day.

h : 12 chiéu cao cua khdi ling tru.
Luwru y: Lang try dimg c6 chiéu cao 1a do dai canh bén.
4. Ti s6 thé tich. q ) L
Cho hinh chép S.ABC . Trén cac doan thang S4,SB, SC lan luot lay ba diém A7, N, K khac véi S,

khi d6 ta co:

S
Vo _SM. SN SK
Ve se SA SB SC’
M K
A
C
B

+ Céc cong thirc tinh nhanh (néu o), c6 chimg minh cac cong thic tinh nhanh (néu c6 thé).
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CONG THUC 1: Véi ta dién ABCD c6 AB, AC, AD d6i mot vuong goc va AB =a, AC =b, AD =c,
1

taco V,,.,, =—abc.
) , q , ‘ a2
CONG THUC 2: Thé tich khoi tir dién déu canh d: V = TR

CONG THUC 3: Thé tich cua khdi chép cut 1 = %h (B +B'+ \/BB') v6i h 1a khoang cach giira hai day,
B, B’ 1a dién tich cua hai day

A C

A’ C’

B '
CONG THUTC 4: Thé tich khdi ttr dién biét cac g0c a, B,y va cac canh a,b,c tai cung mot dinh:

14 Za—bc.\/1+ZCOSCICOSﬂCOS7—COS2a—COSZﬁ—COSZJ/

B

CONG THUC 5: Cho tir dien ABCD c6 AB=a;CD=b;d(AB,CD)=d;(AB;CD)=a . Khi d6

V

ABCD
CONG THUT 6: Ti sb thé tich hai hinh chop c6 day hinh binh hanh. Cho hinh chép S.4ABCD c6 day la
hinh binh hanh; va hinh chép t giac S.4'B'C'D' c¢6 A',B',C',D' lan luot ndm trén cac canh

SA.SB.SC.SD : khi do; Lsawerr - 1 54 5C (SB 5D J

= laba’ sin
6

sasco 2 SA SC\SB  SD
CONG THUC 7: Mat phing (@) cit cac canh cia khdi ling try ABC.A'B'C' lan luot tai M, N, P sao
AM BN cP Y X+y+z
cho TR T Khidd v, . Z%VABCA'B@ _
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CONG THUC 8: Cho hinh hop ABCD.A'B'CD', liay A4,B,C.,D, lan luot trén cac canh
AA',BB',CC',DD' sao cho bbn diém 4y ddng phang. Ta co ti sb thé tich hai khéi da dién:
Viscoancn, 1 (AAI , <G, j 1 (BB1 . bp, )

V isen amcy A4 CC’ BB' DD
CONG THUC 9: Cho hinh chop S.4ABC  véi cic mat phang (S4B),(SBC),(SCA) vuéng goc voi

2

2

nhau timg d6i mot, dién tich cac tam gidc S4B, SBC,SAC lan luot 13 Sl,Sz,S3. Khi do:

J25.5,5,

S.4BC —
3

CONG THUC 10: Cho hinh chop S.4BC c6 S4 vuong goc véi (ABC), hai mit phing (S4B) va

(SBC) vudng goc v4i nhau, BSC = ﬂ,z@ =a.Khido: p. - SB’.sin2a.tan 5

S.ABC 12
CONG THUC 11: Cho hinh chép déu S.ABC c6 ddy ABC la tam giac déu canh bang ¢, canh bén bang
a*\3b* —a®
12 )
CONG THUC 12: Cho hinh chép tam gidc déu S.ABC c¢6 canh day bang ¢ va mit bén tao voi mat

b. Khi dé: V. =

phing ddy géc O . Khi dé: y, - tana
’ 24
CONG THUC 13: Cho hinh chop tam giac déu S.ABC cb cac canh bén bang b va canh bén tao voi
J3b*.sin B.cos’ B

mat phang day goc g . Khi dé: V . = 1

CONG THUC 14: Cho hinh chép tir giac déu S.ABCD c6 day ABCD1a hinh vudng canh bang ¢, va
a’\4b* =24’

— -

CONG THUC 15: Cho ti dién ABCD ¢6 AB=CD =a, AC = BD =b, AD = BC = ¢ (t dién gan déu).

SA=8SB=SC=SD=b.Khidé: V., =

R 1
Khidé: p :m\/

(—a’>+b* +c*)a> —b*>+c*)a* +b> —c?) -
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@ HE THONG BAI TAP TU LUAN.

DANG 1. THE TiCH KHOI CHOP CO CANH BEN VUONG GOC VOI DAY
Kién thirc cin nhé:

1) Cong thirc tinh: ¥ = % B.h (B :dién tich day va h 1a chiéu cao cia khdi chop).

2) Chiéu cao ciia khéi chop thuong tinh bang d6 dai canh vudng goc voi day
Loai 1: Tinh bing cong thirc
Phwong phap giai (kién thirc cin nho): ) .
O loai todn nay trinh bay céach tinh thé tich khoi chop c6 mdt canh vudng goc vai day bang sir dung don

thuan cong thic 7 = % B.h, trong @6 B : dién tich day va h 1a chiu cao ctia khéi chop. Ta cAn nhé mot

s6 kién thirc co ban sau:
1. Cac h¢ thirc lwgng trong tam giac vuong
® BC’> =AB> + AC’ A
® AH.BC=AB.AC
® 4B*=BH.BC, AC>*=CH.CB
PY 1 _ 1 N 1 ,
AH?> AB*>  AC?

AH’ = BH.CH

2. Cac h¢ thire trong tam giac thuong
v Pinh ly ham cosin:

* a’=b>+c*—2bccos A

* b’ =a’+c’—2accosB

* ¢>=a’+b>—2abcosC

v Pinh ly ham sin: A

o 'a = .b = 'c =2R
sind sinB sinC

(R 1a ban kinh duong tron ngoai tiép A4BC)

v Céng thirc tinh dién tich tam giac:

* Susce zéa.ha =%b.hb :%C'hc

* Sasc =%bcsinA=%acsinB:%absinC
b —
* Saunc :%’ SAABC =pr
.. a+b+c ,
. S=\/p(p—a)(p—b)(p—c) Trong do: p=—"" » ban

kinh dudng tron noi tiép
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v/ Cong thirc tinh d6 dai duong trung tuyén:
2(b2+cz)—a2 R 2(az+cz)—b2

tmyE—— > M, =
4 4
. =2(a2+b2)—02
¢ 4

3. Dién tich da giac:
v’ Tam giac vudng

* Di¢n tich: §, .. = %AB.AC

v/ Dién tich tam giac déu

AB* A3
T

AB3

2

* Dién tich: S =

* Duong cao: h =

v Hinh vuéng:
* Dién tich: S = 4B
* Duong chéo: AC = BD = AB\/2

v Hinh chit nhét:

/‘\
B C
A
/%
B H C
A D
B Z C
A D
e Dién tich: S = AB.AD
« Pudng chéo: AC = BD =\ AB* + AD’
o
B C
B A
C D
A D
B H C

v' Hinh thoi:
e Dién tich: § — %AC.BD

* Dt biét: 1 trong cac goc trong ctia hinh thoi biang
60°, khi d6 hinh thoi dugc tao boi 2 tam giac déu.

v’ Hinh thang:
(AD + BC) AH

e Dién tich: S =

* Dac biét: Hinh thang vudng, hinh thang can

Cau 1. Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai A, AB = a, AC = 2a. Canh bén S4 vudng
goc voi day va SA = 2a. Tinh thé tich ¥ cua khdi chop S.4BC.
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CAau 2. Cho hinh chop S.4ABC ¢6 S4 L (ABC), AABC vudng can tai A, SA = BC = a. Tinh theo a thé tich
V ctia khdi chop S.ABC

Céu 3. Cho khdi chop S.4BC ¢6 SA L (ABC), tam gisc ABC vuéngtai B, AB=a, AC = a3 . Tinh thé
tich khéi chép S.4BC, biét ring SB =av/5.

Cau 4. Cho hinh choép tam giac S.ABC c6 ddy ABC la tam gidc déu canh @, canh bén S4 vudng goc day va
SA=23a . Tinh thé tich V' cita khéi chop S.4BC.

Cau 5. Cho khéi chép S.4BC ¢6 SAL(ABC), SA=a, AB=a, AC=2a vi BAC =120°. Tinh thé tich
khéi chép S.4BC.

Céu 6. Hinh chop S.4BCD c6 day hinh vudng, S4 vudng goc voi day va SA = a3 , AC = a~J2 . Khi 46 thé
tich khdi chop S.4BCD 1a
Céu 7. Cho khdi chop S.ABCD c6 déy 14 hinh chir nhat, S4 L (4BCD), 4B =3a, AD=2a, SB = 5a. Tinh

thé tich ¥ cua khéi chop S.4BCD theo d.
Cau 8. Cho hinh chép S.4BCD ¢6 S4 vuong goc v6i mit phang (ABCD), diy ABCD 14 hinh thang vuong

tai A va B ¢b AB=a, AD =3a, BC = a. Biét SA = a3, tinh thé tich khdi chop S.BCD theo 4.

Céu 9. Cho hinh chop S.4BCD c¢6 ddy ABCD 1a hinh thoi canh @ va goc BAD =60°,54 L (ABCD),

6 . ,
SA = # Thé tich khéi chop S.4BCD 1a

CAau 10. Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vudng, canh bén S4 = a</2 va S4 vudng goc vdi mat
phing day, tam giac SBD 1a tam giac déu. Thé tich cta khdi chop S.4BCD bang

Céu 11. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh bang ¢. Canh S4 vudng goc véi day va
SA=y.Tréncanh AD lay diém M sao cho AM = x . Biét rang X+ y2 =a’. Tim gi4 tri 16n nhat
ctia thé tich khéi chép S.ABCM .

LOAI 2: TINH THE TICH KHOI CHOP CO CANH BEN VUONG GOC VOI PAY KHI BIET GOC
GIUA PUONG VA MAT
PHUONG PHAP GIAI (KIEN THU'C CAN NHO):
Céch xac dinh goc gitra duong thang va mat phang

- Néu d L(P) thi (d,(P))=90°.

- Néu d khong vudng goc voi (P) thi (d,(P)) = M,/d\') v6i d' 12 hinh chiéu cia d trén
(P)
Chit y: 0° < (d,(P)) < 90°.
Cau 1. Cho hinh chép S4BCD, ABCD la hinh vuong canh 24, S4 vudng goc voi mat phang day. Goc gitra
SC va (ABCD) 1a 60°. Tinh thé tich khbi chép SABCD.
Cau 2. Cho hinh chép SABC c6 day ABC 1a tam giac vudng can tai B véi AC = a biét S4 vudng goc véi
day (ABC) va SC hop véi (SAB) mot goc 30°. Tinh thé tich khdi chop SABC.
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Céu 3. Cho hinh chép SABC c6 day ABC 1a tam giac déu canh d biét S4 vudng goc véi day ABC va §4
hop voi (SBC) mot goc 45°. Tinh thé tich khéi chop SABC.

LOAI 3: TINH THE TiCH KHOI CHOP CO CANH BEN VUONG GOC PAY KHI BIET GOC
GIUA HAI MAT PHANG , ‘
PHUONG PHAP GIAI (KIEN THUC CAN NHO):

- Cach xéc dinh goc giita hai mit phang cit nhau: Cho hai mat phang (P) va ( ) cit nhau theo giao
tuyén o . Tir mot diém [ bat ki trén d ta dung duong thang ¢ trong (P) vuong goc véi d va dung
duong thang b trong (Q) vubng goc voi d . Khi d6 goc giira (P) va (Q) 1a goc gitta hai duong thang
ava b. ’
- Dién tich hinh chiéu cua da giac: S'= S.cosa
(v6i S 1a dién tich da gidc ndm trong (P) va S' 1a dién tich hinh chiéu vudéng goc cta da giac do trén
(0), a 1a goc gira (P) va (Q))
Cau 1. Cho khoi chop S.ABCD c6 day ABCD 1a hinh vudng canh a, S4 vudong goc voi mat phang day. Bict
goc gilta hai mat phang (SBD) va (4BCD) 1a 30°. Tinh thé tich khéi chép S.4BCD.
Céu 2. Cho khéi chop S.ABC c6 ABC 1a tam giac vudng can tai 4, BC = a\/z, S4 vudng gbéc voi mat
phing day. Goc giita hai mt phing (SBC) va (4BC) 1a 45°. Tinh thé tich khdi chop S.4BC.
Céu 3. Cho khdi chép S.ABC c6 canh bén 4 vudng goc véi mat phing day. Goc gitra hai mit phang (SBC)
va (4BC) 1a 60°. Tinh thé tich khéi chop S.ABC biét SA = a va dién tich tam giac SBC bing 34>,
Céu 4. Cho khéi chép S.ABCD c6 ABCD la hinh vudng canh a, S4 vudng gbc v6i mit phang day. Goc giira
hai mit phing (SAD) va (SBC) 1a 60°. Tinh thé tich khéi chop S.4BCD.

LOAI 4. TINH THE TiCH KHOI CHOP CO CANH BEN VUONG GOC VOI PAY KHI BIET
KHOANG CACH TU 1 PIEM PEN MOT MAT PHANG.
PHUONG PHAP GIAI (KIEN THU'C CAN NHO): ,
1) Can nho kién thirc co ban vé xac dinh khoang céach tir chan duong cao dén mat bén.

Day B

Xét tam giac SHM vuédng tai H, HM vudng goc véi BC va HK 1a duong cao

eTinh khoang cach tir chan duong cao H dén mat bén (SB C ) ta sir dung cong thirc
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HM SH
NHM? + SH*

oTinh do dai canh SH ta st dung cong thic
HM HK
SH =

VHM? - HK?

2) Trong trudng hop bai toan cho khoang cach tir mot diém bét ki thudc day dén mat bén, ta phai
dung ty I¢ dé dua vé khoang céch tir chan dudong cao dén mat bén.

HK =

Cau 1. Cho hinh chop S.4BC c6 day ABC la tam giac déu canh ¢. Canh bén S4 vudng goc voi mat day

. , . 15
(ABC). Khoang cach d tir A dén mit phang (SBC)béng 4. Tinh Vs 5.
Cau 2. Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat v&i 4B = a, AD = 2a ; canh bén S4 vudng
goc voi day. Khoang cach tir diém 4 dén mit phing (SBD) bang 2Ta. Tinh thé tich khdi chop

S.ABCD .
Cau 3. Cho hinh chop S.ABCD c6 day ABCD la hinh thang vuong tai 4 va B, 4D =2BC,

AB=BC=a\3 . Puong thing S4 vuéng goc véi mit phing (ABCD). Goi E la trung diém ciia

. . , . 3 . .
canh AD , khoang cach d tir diém £ dén mat phang (SCD) bang %. Tinh thé tich khoi chop

S.ABCD

DANG 2: THE TiCH KHOI CHOP CO HINH CHIEU CUA PINH LA CAC PIEM PAC BIET
TREN MAT PAY (KHONG TRUNG VOI CAC PINH CUA PA GIAC PAY)
PHUONG PHAP GIAI (KIEN THUC CO BAN)
+ Tom tit ngan gon kién thirc co ban can nim.

Cong thirc tinh thé tich khdi chop: ' = % B.h . (Trong d6: B 1a dién tich day, h 1a chiéu cao)

- Pé tinh thé tich cta khéi choép, ta thuc hién theo cac budc sau:

Budce 1: Xac dinh duong cao. Tinh duong cao.

Budc 2: Nhan dang day. Tinh dién tich ctua day.

Budc 3: Tinh thé tich theo cong thirc.

Chu y:

1. Hinh chop ¢6 cac canh bén bang nhau thi chan duong cao tring voi tim ctia dudng tron ngoai
tiép da giac day.

2.Néu (S4B) L (ABC) thi dwong cao SH cua tam giac SAB chinh la duong cao cia khéi chop

S.ABC
3. Pé tinh dién tich tam giac ta sir dung cac cong thirc sau:

S =lha.a =lhb.b =lhc.c.
2 2 2

S:labsinC:lbcsinA :lacsinC.
2 2 2

4. Tam giac ABC ¢6 h 1a dwong cao ké tir 4, § 1a dién tich.

NEY): BRG]

- Tam giac ABC déu: h—— S=— 4 AB* .
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AB.AC 1

- Tam gidc ABC vudng tai A: BC=vAB*+AC* | h= , S=5AB.AC.

2
- Tam giac ABC cantai A: h:,/ABz—Bf , S:%h.BC.

5. Géc giira canh bén va day

(S4{ABC) = S (S3.(4BC) = 5571 (SCLABC) - ST

Toém lai, (W) —SMH , VM e (ABC).
6. Goc gitra mat bén va day:
((SBC),(4BC))=SKH , ((SAC),(ABC)) = SIH .
. BH AH o 44 Fix e , .,
Chuy: HK = A4 TR HI = BB’_E (véi AA", BB'la cac duong cao ctia tam giac ABC)
TRUONG HQP 1: HINH CHIEU CUA PINH TREN MAT PAY NAM TREN CANH CUA PA
GIAC PAY (MOT MAT BEN CUA HINH CHOP VUONG GOC VOI MAT PAY).
Céu 1. Cho hinh chép S.4BC c6 day l1a tam giac ABC vudng can tai C, tam giac S4B déu canh , nam trong
mit phang vudng goc voi mit phang day. Tinh thé tich cta khdi chop .

Cau 2. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh chit nhat, 4B=a, AD =2a. Tam gidc SAB can tai §
va nam trong mit phing vudéng goc véi day. Pudng thang SC tao voi mit phiang day mot goc 60°
. Tinh thé tich cua khéi chop S.ABCD .

Cau 3. Cho hinh chép S.4BC c6 day 1a tam giac can dinh A, AB=AC=a, BAC=120°. Mit bén S4B 1a
tam giac déu va ndm trong mit phang vudng goc voi day. Tinh thé tich khéi chop S.ABC .

Céau 4. Cho khéi chop S.ABCD cé day 1 hinh vudng canh @, tam gidc SAC vudng tai .S va nim trong mat
phang vudng goc voi ddy, canh bén S4 tao voi ddy mot goc 60°. Tinh thé tich cua khéi chop
S.ABCD .

Cau 5. Cho tor dién ABCD c6 ABC la tam giac déu canh ., tam giac BCD can tai D va nam trong mat
phang vudng goc v6i mit phang (ABC ) Biét AD hop voi (ABC ) mot goc 60°. Tinh thé tich cua
khéi tr dién d cho.

Cau 6. Cho khoi chop S.ABCD cé day l1a hinh vudng canh ,, mdt bén SAB 1a tam gidc can tai § va nam
trong mat phiang vudng goc v6i mit phang day. SC tao voi (SAB ) mot goc 45° . Tinh thé tich

ctia khdi chop di cho.
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TRUONG HQP 2: HINH CHIEU CUA PINH TREN MAT PAY NAM O MIEN TRONG CUA PA
GIAC PAY
Cau 1. Cho hinh chép S.A4BCD c6 ddy ABCD 1a hinh vuéng c6 canh \/ga tam O, SO vudng goc voi
(ABCD), SO =a. Tinh thé tich ciia khéi chép S.ABCD.
Céu 2. Cho khéi chép S.4ABC c6 SA=SB=SC, tam giac ABC 1a tam giac déu canh 2a, khoang cach giita
S4 va BC bang 37“ Tinh thé tich khéi chop S.ABC.

Céu 3. Cho hinh chép S.ABCD c6 day 1a hinh thoi canh ,, ABC =60° . Hinh chiéu vuéng goc ciia § 1én mat
phang day 1a trong tim cta tam gidc 4BC . Goi M, N lan luogt 14 trung diém cua 4B, SD . Biét cosin

2+/26 . .
. Tinh thé tich khoi chop S.ABCD .

goc giita hai duong thing CN va SM bang
Céu 4. Cho hinh chép S.4BC c6 day ABC 1a tam giac déu canh bang 1. Biét khoang cach tir 4 dén mat

phing (SBC) bang ?, tir B dén mat phang (SAC) bang %, tir C dén mat phang (SAB)

bang va hinh chiéu vudng goc cua § xubng day nim trong tam giac ABC . Tinh thé tich khéi

chop S.4BC.
TRUGNGI) HQP 3: HINH CHIEU CUA PINH TREN MAT PAY NAM O MIEN NGOAI CUA PA
GIAC PAY

Céu 1. Cho hinh chép S.4BC c6 day ABC la tam giac vudng can tai 4, biét AB = AC = a. Hinh chiéu cta
dinh § 1én mat phang (A4BC) 1a diém H ddixtmg véi A4 qua BC. Goc giita S4 va day bang 45°
. Tinh thé tich cuia khdi chop S.4BC theo 4.

Cau 2. Cho hinh chép S.4ABC c6 ddy ABC la tam gidc déu canh a . Hinh chiéu cua dinh S 1én mat phing
(ABC) 1a diém H d6i xtmg v6i 4 qua BC. Biét S4=2a . Tinh thé tich ctia khbi chop S.4BC
theo a .

Cau 3. Cho hinh chop S.ABC c6 day ABC la tam gidc can tai A, goc BAC = 120°, canh BC =a . Biét
SA =SB =SC =2a. Tinh thé tich ctia khéi chop S.ABC da cho theo a .

Cau 4. Cho hinh chép S§.4BC c6 ddy ABC la tam giac déu canh a, tam gidc S4B vudng tai B, tam giac
SAC vuéng tai C. Biét goc gifra hai mit phang (SAB) va mit phing (ABC) bang 60° . Tinh thé
tich ctia khdi chop S.4BC theo a .
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DANG 3: THE TICH KHOI CHOP PEU
PHUONG PHAP GIAI (KIEN THUC CAN NHO)
1)  Hinh chép déu: La hinh chop co day 1a mot da giac déu va cac canh bén bang nhau.
2)  Tinh chét: Trong hinh chép déu ta co:
>  Chan duong cao 13 tim dudng tron ngoai tiép day.
>  Cac mit bén la nhitng tam giac can bang nhau.
> Cac canh bén hop voi ddy cac goc bang nhau.
>  Céc mat bén hop voi day cac goc bang nhau.
3)  Ti dién déu: Hinh hinh ch6p c6 bon mit 14 tam giac déu.
Puong cao la dwong ké tir dinh qua tam caa day.
Céu 1. Cho hinh chép tam gidc déu S.4BC c6 canh day bing a , dudng cao cia hinh chép bing a+/3 . Tinh
thé tich khéi chép S.ABC .

Céu 2. Cho hinh chop tam giac déu S.4BC c6 dudng cao bang a2 . Goi H latrong tAm cua tam gidc ABC
, AH = a . Tinh thé tich khdi chop S.4BC.

Cau 3. Thé tich khi chép tam giac déu S.4BC c6 canh day bang a , canh bén bang 3a .

Céu 4. Cho hinh chép tir giac déu S.ABCD c¢6 canh day bang 20, canh bén bang 30. Tinh thé tich ¥ cua
khéi chop da cho.

Cau 5. Cho hinh chép tam gide ddu S.ABC co canh day bing @, canh bén bing av/2 . Tinh thé tich khdi
chép S.ABC .

Ciu 6. Cho hinh chép tam giac déu S.ABC c6 canh diy bang a , goc gitta mat phing (SBC) va mit phing
(ABC) 1a 45°. Tinh thé tich khdi chép S.4BC .

Cau 7. Tinh thé tich khéi chop ttr gidc déu S.4BCD cb canh day bang a va goc gilta mit bén va mit phang
chira da giac day bang 60° ?

CAu 8. Cho hinh chop tam gide déu S.4BC ¢6 chiéu cao bing 2a, SBA = 45°. Tinh thé tich khéi chép S.4BC .

Céu 9. Cho hinh chép tam giac déu S.ABC ¢ goc giita mit phiang (SAB) va mat ddy bang 30°. Khoang
cach tir chan dudng cao ciia hinh chép dén mit phing (S4B) bing a . Tinh thé tich khdi chop
S.ABC

) . . *J39
CAu 10. Cho hinh chop tam giac déu S.ABC ¢ d6 dai dudng cao bang a, dién tich mat bén bang ? 1\27 .

Thé tich ctia khdi chop da cho bang.
Cau 11. Cho hinh chép tir giac déu S.ABCD c6 canh day bang a , goc gilta canh bén va mat phing day bang
60° . Tinh thé tich khdi chop S.ABCD .
Cau 12. Tinh thé tich khdi chop tir gide déu S.4BCD c6 canh day bang a va goc ¢ dinh clia mit bén bang
60°?
Cau 13. Cho hinh chép tam giac déu S.ABC c6 canh AB bang a . Cac canh bén SA, SB, SC cing tao véi
miat day mot goc 60 . Goi D 1a giao diém cta SA véi miat phiang qua BC va vudng goc véi SA
. Tinh thé tich ¥ cua khéi chép S.BCD?
Céu 14. Cho hinh chép tr gidc déu S.ABCD ¢6 canh day bang a . Khoang céach tir trong tim G cuia tam giac

SAC  dén mit phing (SBC) bing # . Tinh thé tich khéi chop S.ABCD .

Cau 15. Cho hinh chép déu S.4BC c6 day la tam giac déu canh a. Goi M, N lan luot 1a trung diém cia
SB, SC . Biét (AMN) L (SBC) . Tinh thé tich khdi chop S.ABC .
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DANG 4: THE TiCH KHOI LANG TRU PUNG - PEU
PHUONG PHAP GIAI (KIEN THUC CAN NHO)
+ Hinh lang tru ding: La hinh ldng tru c6 cac canh bén vudng goc voi ddy. Nhu vay cadc mat bén
cua lang try ding 1a hinh chir nhat.

A C’ N
Chiéu cao cua hinh lang tru ding chinh la canh
B bén cua hinh lang tru dung.
Ving e = Sagy X chiéu cao
B
A D'
_—_._._._-- ( 0
B.F
L 79
\f__,__‘ .
B

+ Hinh ling tru déu: La hinh ling tru ding c6 day 1a da giac déu. Nhu vy cac mit bén cua hinh
chir nhat 14 cac hinh chit nhat bing nhau.

Ch y. Hinh ling try tr gidc déu 1a mot hinh hop dimg dic biét c6 day 1 hinh vudéng. Hinh hop
dung thi chi can day 1a hinh binh hanh chir chwa 13 hinh vuéng.

Hinh ling try déu thi hién nhién 13 hinh lang tru dtng.

+ Hinh hop ding: La hinh lang tru diing c6 day la hinh binh hanh.

A
B
I Chiéu cao cua hinh hop ding chinh Ia canh bén
: cita hinh hop.
' : c — —
’ I Vlang tru Sé,;:‘. x chiéu cao
1
|
1
|
A |
FoTTTTTT - - 7B
f.i'
!
!
!
D
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+ Hinh hop chir nhat: La hinh hop ding c6 day 1a hinh chir nhat.

Hinh hop chitr nhat c6 chi€u dai, chiéu rong,
chi€u cao lan luot 1a a,b,c c6

|
|
|
| f‘:
|
|
|

V = abc

/ b

i
+ Hinh 1ap phwong: La hinh ling tru dimg c6 day 1a hinh vudng va cac mit bén déu 1a hinh vudéng
( hay 1a hinh hop chit nhat c6 ba kich thuéc bang nhau)

Hinh 1ap phuong c¢6 canh bang ¢ c6

V =a’

PHAN 1: LANG TRU TAM GIAC

Céu 1. Cho lang try déu ABC.A'B'C" ¢6 canh day bang 2a, do dai canh bén bang a3 . Tinh thé tich ¥ ciia
khoi lang tru.

Cau 2. Cho khdi lang tru ding ABC.A'B'C' ¢6 BB =a/3, diy ABC 1a tam gidc can tai 4 ¢
AB = AC =2a, BAC =120°. Thé tich khéi ling try ABC.A'B'C" 1a

Cau 3. Cho lang try dung ABC.A'B'C' c6 day ABC la tam giac vuong tai 4 va AB=a, AC= a\/g, mat
phing (4'BC) tao véi ddy mot goc 30° . Thé tich ctia khoi lang tru 4BC.A'B'C’ bang

Céiu 4. Cho hinh lang try dung tam giac ABC.A'B'C" ¢6 ddy ABC 1a tam gidc vuong tai 4 va AB=AC=a.

Biét goc gitra hai dudng thang AC' va BA' bang 60°. Tinh thé tich khéi ling tru ABC.A'B'C’ theo a.
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DANG 5: THE TiCH KHOI LANG TRU XIEN
LOAI 1. TINH THE TiCH LANG TRU XIEN BANG CACH XAC PINH CHIEU CAO VA DIEN
TiCH PAY

PI-!UO’NG PHAP GIAI (KIEN THU'C CAN NHO): Chiéu cao ciia lang tru b&‘ng khodng cach tir mot
diém thujc mat day nay dén mat day kia. Thong thuwong ta xdac dinh chiéu cao bang cach tim hinh chiéu
vuong goc cua mgt dinh lén mdt day con lgi roi tinh khodang cdach giita hai diém do.
av'10

4
goc ciia C' 1én mit phang (ABC) tring véi trung diém M cua doan thing 4B . Tinh theo a thé
tich V' ctia khéi ling tru 4BC.A'B'C’ .

Céu 1. Cho hinh ling tru ABC.A'B'C' ¢4 ACB=135°, CC' = , AC =a~J2, BC = a . Hinh chiéu vuong

—_— 7 14
CAu 2. Cho hinh hop ABCD.A'B'C'D’ ¢b day ABCD la hinh thoi canh a, BCD =120°, A4’ :761. Biét
rang hinh chiéu vuéng goc cia 4’ 1én mit phing (ABCD) trung véi giao diém cia AC va BD.
Tinh theo a thé tich ¥ ctia khbi hop.
Ciau 3. Cho lang try tam giac ABC.A'B'C" ¢6 day 1a tam giac déu canh . Do dai canh bén bang 4a . Mit
phang (BCC'B') vudng géc véi day va B'BC =30°. Tinh thé tich khoi ling tru da cho.

Cau 4. Cho hinh ling try ABC.A'B'C’ ¢6 day la tam giac vudng can dinh 4, AB=a, AA'=2a, hinh chiéu
vudng goc ctia A" 1én mit phang (ABC ) 1a trung diém H cta canh BC . Tinh thé tich ciia khéi ling
tru ABC.A'B'C' theo 4.

Céu 5. Cho ling tru ABCD.A'B'C'D' ¢6 day ABCD 1a hinh thoi canh ¢, ABC=120°, 44’ =a. Biét rang
hinh chiéu vudng goc cua 4’ 1én mit phing (ABCD) la trong tAm cua tam gidc ABD . Tinh theo ¢
thé tich ¥ cua khéi hop

Cau 6. Cho Cho lang try ABC.A'B'C’ ¢6 day ABC la tam giac vuong tai 4, ABC =30°. Diém M 1a trung

diém canh AB , tam giac MA'C déu canh 261\/5 va ndm trong mat phiang vudng goc véi day. Tinh
thé tich khéi lang tru ABC.A'B'C’.

LOAI 2. TINH THE TiCH LANG TRU XIEN KHI BIET CAC YEU TO GOC, KHOANG CACH

PHUONG PHAP GIAI (KIEN THUC CAN NHO): Si dung gid thiét vé géc, khodng cich dé xdic dinh

chiéu cao va dién tich day cua liang tru.

Cau 1. Cho hinh lang try ABC.A'B'C" ¢6 day ABC latam giac vuong tai B, ACB = 60°, BC=a, AA'=2a
. Canh bén tao v&i mit phiang (ABC) mot goc 30°. Tinh thé tich khéi lang tru 4BC.4'B'C’ .

Céu 2. Cho khdi lang try tam gidc ABC.A'B'C' ¢6 day 1a tam giac déu canh @ , diém 4’ cach déu ba diém 4
, B, C,canhbén AA' tao voi mat ddy mot goc 60°. Tinh thé tich cta khoi lang try.

Cau 3. Cho hinh lang try 4BC.A'B'C’' ¢6 day ABC la tam giac vuong tai 4, canh BC =2a va ABC =60°.
Biét tir giac BCC'B' 14 hinh thoi c6 B'BC nhon. Biét (BCC'B') vudng goc v6i (ABC) va (ABB'A")
tao v6i (ABC) goc 45°. Tinh thé tich khéi lang tru ABC.A'B'C’.

Céu 4. Cho hinh ling try 4BC.A'B'C’ ¢6 day la tam gidc déu canh a . Hinh chiéu vuong goc ciia diém 4’ 1én
mit phing (ABC) tring v6i trong tdm tam gidc ABC . Biét khoang cach giira hai duong 44’ va BC

. 3 . ‘.
bang % . Tinh thé tich V' cua khoi lang tru ABC.A'B'C".
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Cau 5. Cho hinh ling try tam giac ABC.A'B'C' c¢6 day la tam giac déu canhd, goc giita hai mat phang
(A4'BC)va (4ABC) bang 60°, A'A=A'B=A'C. Tinh thé tich cia khéi lang tru ABC.A'B'C’.
Cau 6. Cho hinh hop ABCD.A'B'C'D' ¢6 ddy ABCD 1a hinh thoi canh @V3, BD =34 . Hinh chiéu vudng goc
cia B 1én miat phiang (4’B'C’'D’) 1a trung diém cta 4'C’. Biét rang cosin clia goc tao boi hai mit
. M V 21 R < (3> allaYi
phing (4BCD) va (CDD'C’) bing — Tinh theo , thé tich khdi hop ABCD.A'B'C'D' .
Céu 7. Cho hinh hop ABCD.A'B'C'D' c6 A'B vudng goc véi mit phing day(A4BCD), goc cia A4' véi
(ABCD) bang 45° Khoang cach tir 4 dén cac duong thang BB'va DD' bang 1. Goc cua mit
(BB'C'C) vamit phang (CC'D'D) bang 60° .Tinh thé tich khdi hop da cho.

LOAI 3. TINH THE TiCH LANG TRU (TAM GIAC) GIAN TIEP QUA THE TiCH KHOI CHOP

PHUONG PHAP GIAI (KIEN THU'C CAN NHO):
Goi V' la thé tich cta khoi lang tru tam giac ABC.A'B'C". Khi d9,

e Thétich khéichép 4" ABC lay, . - %V. ~ c
BV
e Thétichkhdichop A'B'CCBIAV, .., = %V.
a2

. Thé tich khéi tir dién déu canh ¢ 14 V = o

B
Cau 1. Cho liang try ABC.A'B'C’. Biét dién tich mat bén ABB'A’ bang 15, khoang cach tir C dén mit phing
(ABB'A') bang 6. Tinh thé tich khéi lang try ABC.4'B'C".
Cau 2. Cho lang try ABC.A'B'C' ¢6 A'ABC 1a tir dién déu canh a . Tinh thé tich khéi ling tru ABC.A'B'C’
CAu 3. Cho khdi hop ABCD.A'B'C'D' ¢6 tht ca cac canh bing @ va cac goc A AB = A'AD =120°, BAD = 60°
. Tinh thé tich V' ctia khdi hop ABCD.A'B'C'D" .
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DANG 6: THE TICH CAC KHOI PA DIEN KHAC

Cau 1. Cho hinh chép S.4ABC c¢6 AB=3a, AC =4a, BC =5a , SA=SB = SC =6a. Tinh thé tich khi chop
S.ABC.

Céu 2. Cho hinh chép S.ABCD c¢¢ day 1a hinh thang vudng tai 4 va B. Hinh chiéu vudng goc ciia S trén
mit day (ABCD) tring véi trung diém 4B . Biét AB=1, BC =2, BD=+/10. Géc giita hai mt
phing (SBD) va mit phiang day la 60°. Tinh thé tich ¥ cta khdi chop S.BCD.

Cau 3. Cho hinh chép S.ABCD ¢6 day la hinh vudéng tdm O canh bang a. Hinh chiéu vudng goc ciia dinh
S 1én mat phang (ABCD) 1a trung diém cta canh OC. Goéc giita mat phang (SAB) va mit phing
(ABCD) bang 60°. Tinh theo a thé tich V' cua hinh chop S.ABCD.

Cau 4. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 14 trung diém ctua SB, N 1a diém
thudc canh SC sao cho SN=2CN , P la diém thuéc canh SD sao cho SP=3DP . Mit phing
(MNP) cit SA tai Q. Biét khdi chop S.MNPQ co thé tich bang 1. Tinh thé tich khéi da dién
ABCD.OMNP.

Cau 5. Cho hinh 1ap phuong ABCD.A'B'C'D’ canh bang 1. Goi M 1a trung diém canh BB’. Mit phing
(MA'D) cit canh BC tai K . Tinh thé tich ctia khdi da dién 4'B'C'D'MKCD .

Céu 6. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Goi O 13 tAm hinh vuéng ABCD. S 1a diém
dbi xtmg voi O qua CD'. Tinh thé tich khéi da dién ABCDSA'B'C'D'" .

Céu 7. Cho hinh hop ABCD.A'B'C'D' ¢6 thé tich bang V . Goi M,N,P,Q,E,F 1an lugt 1a tim cac hinh binh
hanh ABCD, A'B'C'D’, ABB'A', BCC'B',CDD'C', DAA'D' . Tinh thé tich khéi da dién c6 cac dinh
M,P,0,E,F,N .

Cau 8. Cho khéi tir dién 4BCD 6 thé tich V . Goi V' 1a thé tich ctia khdi tAm mat ¢6 cac dinh 1 trung diém

!

. vV
cac canh cua khoi tir dién ABCD. Tinh ti s6 7
Cau 9. Cho khéi chop tir giac déu S.ABCD, c¢b ddy ABCD la hinh vudng canh bang @ tdm O; canh bén

bang a\/g. Goi M 14 trung diém cua CD, H 1a diém ddi ximg ctia O qua SM . Tinh thé tich khoi
da dién ABCDSH .

Cau 10. Cho hinh da dién nhu hinh v&, trong 6 ABCD.A'B'C'D’ 1a hinh hop chit nhat véi AB = AD = 2a,
AA'=a, S.ABCD 14 hinh chop c6 cac canh bén bang nhau va bang ax/g . Tinh thé tich ctia khdi tir
dién SA'BD.

Céu 11. Cho khi lang try ABC.A'B'C’ ¢¢ thé tich 1a v . Hai mit phing (4CB’) va (BA'C’) chia khéi lang
try d4 cho thanh bén phan. Tinh thé tich phan 16n nhit.
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DANG 7: CAC BAI TOAN UNG DUNG THE TiCH TiNH DIEN TiCH, KHOANG CACH,...
PHUONG PHAP GIAI (KIEN THUC CAN NHO)
1. Cong thirc tinh thé tich

- Thé tich khéi chop: ¥ — %B.h

- Thé tich khdi lang tru: V' = B.h

- Thé tich khéi tir dién: v, = %AB.CD.d (4B,CD).sin( 4B,CD)

Trong dé: B: Dién tich déay, h: Chiéu cao ha tir dinh t&i déy twong irng.
2. Cong thirc tinh dién tich, khoing cach, goc dua vao thé tich

- Dién tich khoi da dién:

+ Khbi chop: B = 37V

+ Khdi lang try: B :%

3Vchop _ 4

l.tru

- Khoang cach tir mot diém dén mot mit phang: 7= B

6‘VABCD
AB.CD.sin (1@)

3. Khoang cach giira hai duwong thing chéo nhau: d(4B,CD)=

DANG 7.1: UNG DUNG THE TiCH TiNH KHOANG CACH TU PIEM PEN MAT PHANG
Céu 1. Cho hinh chép S.ABCD ¢6 day 1a hinh vudng canh a+/3 va thé tich bing @ . Tinh chiéu cao % cua
hinh chép da cho.

CAu 2. Cho khéi chop S.ABC c6 day 1a tam giac déu, SA L (ABC) va SA=a . Biét thé tich ctia khdi S.4BC
bing /3a®. Tinh do dai canh day cua khéi chép S.4BC.

Cau 3. Cho hinh chép S.4ABC c6 S4, SB, SC d61 mot vudng goc va SA=a, SB = ax/E, SA=a"/3. Tinh
khoang cich tir § dén mit phang (4BC).

Cau 4. Cho hinh chép tir gidc S.ABCD c6 day 1a hinh vudng canh bang ax2 . Tam gidc SAD cantai S va
mat bén (SAD) vudng goc v6i mit phiang day. Biét thé tich cua khdi chop S.ABCD bing %cf . Tinh

khoang cach 4 tir diém B dén mit phang(SCD).

Ciu 5. Lang try ABC.A'B'C' ¢6 day la tam giac vudng can tai 4, AB=a, biét thé tich cua ling tru
3

ABCA'B'C' 1aV :%.Tinh khoang cach  giita AB va B'C’.

Ciu 6: Cho hinh chop S.4BC c6 day la tam giac déu canh a, canh bén S4 vudng goc véi day va thé tich cta
3

. . a
khoi chop do bang e Tinh canh bén SA.

a3

Ciu 7: Cho hinh chép S.ABC c6 thé tich bang

, day 1a tam giac déu canh 4~/3 . Tinh chiéu cao / cta

hinh chép da cho.
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Cau 8: Cho tr dién OABC c6 OA, OB, OC d6i mot vudng goc. Biét OA=a, OB=2a, OC = a~/3 . Tinh
khoang cach tir diém O dén mit phéng (ABC ) :

Cau 9: Cho hinh chdp S.4BC c6 day ABC la tam giac déu canh2a, canh bén bang S4 vudng goc véi day,
SA =a. Tinh khoang cach tr 4 dén mit phing (SBC)?

Cau 10: Cho hinh chép S.ABC ¢b 4SB = CSB =60°, ASC =90°, SA=SB =SC = a. Tinh khoang cach d tur
diém A dén mit phiang (SBC )

Cau 11: Cho tr dién ABCD ¢6 AB=a, AC =a~2, AD = a3, cac tam giac ABC, ACD, ABD 1la cac
tam giac vuong tai dinh A . Tinh khoang cach d tir diém A4 dén mit phang (BCD) :

DANG 7.2: UNG DUNG THE TiCH TiINH KHOANG CACH GIUA 2 PUONG THANG CHEO NHAU
PHUONG PHAP GIAI:
Tinh khoang cach hai duong thing chéo nhau a, 5.
+ Ta chuyén khoang cach d(a,b)= d(a,(a)) = d(A,(a)) véi Aea,all(a),bc(a)
3,

S.ABC

+ Ap dung cong thic h, = AH =

ABC
Cau 1. Cho hinh chép tam giac S.ABC cd SA vuong goc voi mat day, tam giac ABC vuong can tai B,
BA=BC =a, goc gittamp (SBC) voi mp(ABC) bang 60°. Goi / 1a tim dwong tron ngoai tiép tam
gidc SBC . Tinh khoang céch giita hai duong thang A/ voi BC .
Cau 2. Cho hinh chép S.ABCD c6 day 1a hinh thoi tam O canh a, ABC = 60", S4 =SB =SC =2a . Tinh
khoang cach gitta AB va SC.
Cau 3. Cho hinh lang tru 4BC.A'B'C’ c6 mat day la tam giac déu canh 4B =2a. Hinh chi€u vudng goc cua
A' 1én miat phang (ABC) tring v6i trung diém H clia canh AB . Biét goc giita canh bén va mit day

bang 60°. Tinh khoang cach hai dudng chéo nhau BC va AA’ theo a.
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DANG 8: CAC BAI TOAN VE Ti SO THE TiCH

DANG 8.1. THE TiCH KHOI CHOP

KIEN THU'C CAN NHO:: Cho hinh chép S.4BC goi 4’, B’,C’ lan luot 14 cac diém thudc canh S4,SB, SC
Vo spe_ SA" SB' SC'

Vi oo SA SB SC

tuong tng (khong trung véi S ) thi

C

Dac biét:
+ Néu hai hinh chop ¢ day cting nam trong mot mét phang va c6 dinh nam trén dudng thing song

r.: , 3 V; Sl r A Y A ’ J 5 1 ) ) Ao
song voi day thi 7 = S—, trong d6 3,,95, 14n luot 14 dién tich day cua hinh chop c6 thé tich V,,V,
2 2

tuong tng. , o

+ Néu hai hinh chop c6 cung day va hai dinh nam trén duong thang cat mat day thi

I/vl hl SIM r A B \ 5 3 ) r R o7 ,
7 = h_ = S—M’ trong do hl,h2 lan luot 1a duong cao cua hinh chop co thé tich V,V, twong tng

2 2 2

va M 1a giao diém cua $,3, v6i mat phang day (véi 5,3, 1a dinh cta cac hinh chop).

+ Cho hinh chép S.4/4,4;...4,. Goi («)1a mit phing song song véi mit day cua hinh chop va cit

cac canh SA],SAZ,...,SAH lan luot tai M,,M,,...M (mit phing («) khong di qua dinh). Khi do, ta
SM

Vi ; 1
O SMMMM, g3 trong d6 k=—1.

S4

S A Ay dy... 4,

LOAI 1: CHOP CO PAY LA TAM GIAC

Cau 1. Cho hinh tir dién déu ABCD. Piém M 1a trung diém cia canh 4B . Tinh ti s6 thé tich ciia khdi tir
dién MBCD va ABCD.

Céu 2. Cho hinh chép S.ABC ¢6 G la trong tAm tam giac SBC . Mit phing qua AG va song song voi BC
chia khéi chop thanh hai phan. Tinh ti s thé tich hai phan dé.

Cau 3. Cho hinh chép SABC c6 SC=2a va SC L(ABC). bay ABC la tam gidc vuong can tai B va
AB = a2, Mt phing (@) qua C va vudng goc voi S4, (@) cat S4,SB 1an luot tai D, E. Tinh thé
tich khdi chop SCDE.
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Cau 4. Cho hinh chép tam giac S.ABC ¢6 M 1a trung diém cta SB,N la diém trén canh SC sao cho
NS =2NC, P la diém trén canh SA4 sao cho PA=2PS . Ki hiéu V,,¥, 1an luot 1a thé tich cta céc

khéi tir dién BMNP va SABC . Tinh ti s .

2
Cau 5. Cho tir dién S.ABC, M va N 1a cac diém thugc SA va SBsao cho MA=2SM , SN =2NB, (a) la
mit phang qua MN va song song véi SC . Ki hidu (H,) va (H,) la cic khdi da dién c6 dugce khi
chia khéi tir dién S.4BC bsi mat phang (« ), trong d6 (H,) chita diém S, (H,) chira diém 4; ¥

va ¥, 14n luot 14 thé tich cua (H,) va (H,) . Tinh ti s6 ;

2

Cau 6. Cho hinh t&r dién déu ABCD c¢6 M la trung diém canh AB, N la diém thudc canh CD sao cho
CN =2ND . Tinh ti s6 thé tich ctia khdi tir dién ABCD va MNBC .
Céu 7. Cho khéi chop S.ABC c6 thé tich V. Goi M, N, P lan lugt 1a cac trung diém ciia canh S4, SB, SC

tuong tmg. Goi V; 1a thé tich khéi da dién MNPBCD . Tinh %
Cau 8. Cho khdi chop S.ABC.Goi G 1a trong tim tam gidc ABC . Goi K 1a giao diém cia SG véi duong
thang ndi trung diém cia AB va SC Mit phing (0{) chita AK va song song voi BC cit SB, SC

. V.
lan luot tai M, N. Tinh —>2%
AMNBC

Cau 9. Cho hinh chép S.ABC cb6 ABC la tam giac vudng can tai B va S4 vudng goc vGi mit day (ABC )
Mit phing (0{ ) qua diém A vudng goc véi SC tai E vacit SB tai diém F chia khdi chop thanh

‘ 14 ,
hai phan. Tinh —>%< biét S4= 4B =a.

AEFBC

Céu 10. Cho khéi tor dién S.4BC va hai diém M, N lan lugt thudc cic canh S4,SB sao cho Sﬁ:%

MA

2

% =2 .Mait phéng(P ) di qua hai diém am ,N vasong song véi SC cit AC, BC lan luot tai L, K.

Til’lh VSCMNKL
ABMNKL

LOAI 2: CHOP CO PAY LA TU GIAC

PHUONG PHAP GIAI:
Buwéc 1: Phan chia ldp ghép khéi chop tir gidc da cho thanh nhiéu khdi chop tam giac.
Budc 2: Str dung cong thie ti s6 thé tich khdi chop tam giac va cac ki thuat chuyén dinh, k§ thuat
chuyén day dé tinh thé tich cac khi tam giac.
Buée 3: Két luan.

Céu 1. Cho hinh chop S.ABCD . Goi M,N,P,Q lan luot 14 trung diém cta S4, SB, SC,SD . Ti s thé tich cta
khdi chop S.MNPQ va khéi chép S.ABCD |

Céu 2. Cho hinh chép tir giac déu S.ABCD , day 1a hinh vudng canh @, canh bén tao voi day goc 60° Goi
M 1a trung diém SC . Mit phang di qua AM va song song v&i BD, cit SB tai E vacat SD tai F
. Tinh thé tich khdi chop S.AEMF .
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CAu 3. Cho hinh chop S.ABCD ¢6 thé tich V' vé6i day ABCD 1a hinh binh hanh. Mét phing qua 4, M, P cit

M 1 SP 2
canh SC tai N véi M, P 1a cac diém thudc SB,SD sao cho i_B:E g—D :E Tinh thé tich khdi

da dién ABCD.MNP .

Cau 4. Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Tir diém O ké cac duong thang lan

’ N V
luot song song v6iS4,SB,SC,SD va cat SC,SD, S4,SB lan lugt tai G, E, F,H . Tinh —2£4¢

S.ABCD

Céu 5. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh. Goi K 1a trung diém cta SC . Mit phang
(P) qua AK va cét cac canh SB,SD lan lugt tai M va N.Dat ¥V, =V ..V =Vs pep . Tim

S = max£+min5.
|4 |4

CAu 6. Cho hinh chop S.ABCD c6 day la hinh chir nhat, AB = a3 ,AD =a, S4vudng gbc véi day va SA=a
. Mit phang (o) di qua A vuodng goc véi SC citSB,SC, SD lan luot tai A7, N, P .Tinh thé tich
khéi da dién S.AMNP ‘ 7

Cau 7. Cho hinh chép S.ABCD c6 day ABCD Ia hinh binh hanh. Goi B’, D’ lan luot 1a trung di€ém cuia canh

SB,SD. Mit phing (AB'D') cit SC tai C'. Goi V,/; lin lugt l1a thé tich khdi chop
S.ABCD,S.4AB'C'D' . Tinh %

Céu 8. Cho hinh chép tir giac déu S.4BCD . Mit phang (P)qua A vudng goc voi SC cit SB,SC,SD lan
luot tai B',C’,D'va AB=a ‘z_';:% Tinh thé tich S.4B'C'D' .

Céu 8. Cho hinh chéop ABCD c¢6 ddy ABCD1a hinh binh hanh tim O. Tir diém O ké cac dudng thang
song song v&i cac mat bén cua hinh chép va cit cac mit bén (SAB ),(SBC ),(SCD),(SDA) lan luot

v
tai J,K,M,L. Tinh —2%&%

S.4BCD

Ciu 10. Cho hinh chép S.4BCD ¢6 day ABCD 1a hinh binh hanh, thé tich V. Goi P 1a trung diém SC . Mt
phang chira AP cit SB,SD lan lugt tai M, N . Tinh ti s6 SS_A;. Biét thé tich ctia khdi chop S.AMNP

b3 27P’
ang =——
56

Céu 11. Cho hinh chép S.A4BCD day la hinh Vuéng canh @, $4 vudng goc véi mit phang day (4BCD) va
SA=a.Piém M thudc canh S4 sao cho SM < — k. Xac dinh k sao cho mit phang (BMC ) chia khéi
chop S.ABCD thanh hai phan c6 thé tich bang nhau.
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DANG 8.2: THE TICH KHOI LANG TRU ,
PHUONG PHAP GIAI : Cic bai toan vé ti so thé tich ciia khoi ling tru
1) Ti so thé tich cta ling tru tam gidac 4BC.A'B'C’
Cong thire 1: Goi V 1a thé tich khi lang tru ABC. A'B'C", Vi4)lathé tich cta khdi chép c6 4 dinh

trong 6 dinh cua lang tru, V(S) 1a thé tich cta khéi chop ¢6 5 dinh trong 6 dinh cua ling try. Khi d6 ta

co:
Vv
% _
Vi _E
2V
% _
Yo =3
L V. 2V
Vi du: Vipse = ER Viscons =

Cong thire 2: Cho lang tru tam gidc ABC.A'B'C'. Mot mit phang cat ba canh cua ling tru tai M,
N, P nhu hinh veé.

. 7,
pat AM _,, BN _ . CP _  Khidotacotish; —ararc _MEAED
44 "B ac V e mc 3
Chay: khi M=, p=c thi 2L _; €L _

AA' cc'

2) Ti s6 thé tich ciia khoi hop
Cong thire 1: Goi V14 thé tich khdi hop ABCD. 4’B'C'D’, V4 1a thé tich khdi tir dién c6 4 dinh
trong 8 dinh cua hinh hdp.

Néu khdi tr dién c6 hai canh 14 hai duong chéo cua hai mat ddi dién lang tru thi ta co: Vi = %

Néu khéi tir dién khong c6 hai canh 13 hai duong chéo ctia hai mat dbi dién lang truy thi ta co: Vi = %
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V |4

Vs = 3 Ve = g :
Cong thirc 2: Cho hinh hdp 4BCD.A'B'C'D'. M{t mat phéng cit ba canh cua hinh hop tai M, N,
P, O nhu hinh v¢.

Vi du:

<. DM AN BP cQ
at =m; =n,——=0p;
DD' AA' BB' ce!
Vimpo anco _mtAntptq_ _mtp_ ntq

b

:q.

Khidotacotisd: m+p=n+gq va
ABCD.A'B'C'D' 4 2 2

Cau 1. Cho khéi lang tru tam giac déu ABC.A’'B'C’.Mat phing (4'BC) chia khéi ling tru thanh hai phan.
Ti 6 thé tich ctia phan bé so véi phan 16n.

Cau 2. Cho khéi lang try tam gidc déu ABC.4'B'C’. Goi M 14 trung diém canh 44" . Mit phing (MBC) chia
khdi lang try thanh hai phan. Ti s6 thé tich ciia phan bé so v6i phan 16n.

Céu 3. Cho khdi lang tru ABC.A'B'C’. Puong thang di qua trong tdm cta tam giac ABC va song song véi
BC ciat cac canh AB, AC lan luottai M, N. Mit phang (A'MN ) chia khdi lang tru thanh hai phan.
Tinh ti s6 thé tich cua hai phan (phan bé chia phan 16n) .

Céu 4. Cho khéi ling tru ABC.A'B'C'. Goi M,N lan luot 14 trung diém cta hai canh 44’ va BB'. Mit
phing (MNC') chia khéi ling tru dd cho thanh hai phan. Tinh ti s thé tich cta khdi chop
C'.A'B'NM va khéi da dién CC'ABNM .

Céu 5. Cho hinh ling tru ABC.A'B'C" ¢6 thé tich bang V . Cac diém M , N , P lan luot thudc cac canh A4’

AM =l, BN _ CP _2 Tinh thé tich khéi da dién ABC.MNP .

A4 27 BB CC' 3

Cau 6. Cho hinh lap phuong ABCD.A'B'C'D' . Mit phang (BDC') chia khéi lap phuong thanh 2 phan. Tinh
ti s6 thé tich phan bé chia phan 16n.

Céu 8. Cho hinh hop chir nhat ABCD.A'B'C'D’ ¢6 thé tich 1a V. Goi M, N 1an luot 1a trung diém cua A'B’ va
B'C’ . Tinh thé tich khdi chop D'.DMN .

, BB', CC' sao cho
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Cau 9. Cho hinh hop chit nhat ABCD.A'B'C'D'¢6 AB=a, BC=b,44'=c . Goi M va N theo thi tu la
trung diém ciia A'B’ va B'C' . Tinh ti s6 giita thé tich khdi chop D'.DMN va thé tich kh6i hop chir
nhat ABCD.A'B'C'D'.

Ciu 10. Cho hinh hop ABCD.A'B'C'D’ ¢6 cac canh bing a, BAD =60°, BAA' =90°, DAA' =120° . Tinh thé tich
khéi hop.

Cau 11. Cho hinh 1ap phuong ABCD.A'B'C'D', I 1a trung diém ciia BB'. Mt phang (DIC') chia khéi lap
phuong thanh 2 phan. Tinh ti s6 thé tich phan bé chia phan 16n.
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN

@ LY THUYET.

1. Khai ni¢m vé thé tich khoi da dién

Cho khéi da dién (H ), khi d6 thé tich khéi da dién (H) 1a sé duong ¥, théa mén :
a) Néu (H )1a khdi 1ap phuong c6 canh bang 1 thi ¥, =1.

b) Néu hai khéi da dién (H,)va (H,)bing nhau thi ¥, =V, ,.

c) Néu khéi da dién (H ) dugc phén chia thanh hai khoi da dién (H,) va(H,)thi

Viry =V Ve, -

Pinh 1i : Thé tich khéi hop chit nhat c6 ba kich thuée a,b,c:

2. Thé tich khdi chép
. . 1
+ Theé tich khoi chop |V = g.B.h
Trong d6 : B 1a dién tich da giac day. A
h : 1a chiéu cao ctia khdi chop.

3. Thé tich khdi ling tru
+ Thé tich khéi lang tru

Trong d6 : B 1a dién tich da giac day.

S
C
B
C1
B1
h : 1a chi€u cao cua khoi lang tru.
Luwu y: Lang tru dung c6 chiéu cao 1a dg dai canh bén.
C

A

4. Ti so thé tich. <
Cho hinh chép S.4BC . Trén cac doan thang SA,SB,SC lan luot 1y ba diém M, N,K khac véi S ,

khi d6 ta co:

S
Vsuve _SM SN SK
V, »e SA SB'SC
M K
A C
B

+ Cac cong thirc tinh nhanh (néu ¢6), ¢6 chimg minh cac cong thirc tinh nhanh (néu c6 thé).

CONG THUC 1
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o . 1
Véithrdién ABCD c6 AB,AC,AD d6i mot vuong goéc va AB=a, AC=b,AD=c,tacod V z., = gabc

Chirng minh

C

Taco Ve = %AD.SAABC = %AD% AB.AC = %abc :

CONG THUC 2.
3
Thé tich khéi tir dién déu canh a: V =< 1‘2/5 .
Chirng minh

A

Xét tir dién déu ABCD canh a. Goi G 1a trong tam tam giac BCD.

2
Taco DGzé,suyra AG =, 2—%:%3/8.

a’\3

Dién tich tam gidc BCD: S, =

af6 3\

Thé tich khéi t dién déu canh a la: V = 1
373 4 12

CONG THUC 3
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Thé tich cia khéi chop cut V = %h(B +B'+ \/BB') v6i h 1a khoang cach giita hai ddy, B, B’ la dién

tich cua hai day

A C

Bl’

CONG THUC 4.

Thé tich khéi t& dién biét cac goc a,f,y va cac canh a,b,c tai cung mot dinh:

V:%.\/l+2cosacosﬂcosy—cosza—coszﬁ—coszy

Chirng minh
hY

7]

B B’

Xét ta dién S.4ABC c6 céac goc «, [,y vacac canh a,b,c tai dinh S nhu hinh v€ trén.
Dung mit phing qua A, vudng goc v6i SA4, cét cac canh SB,SC lan luot tai B',C".
Taco B =4 4 sor= S @ i 4B gtana, AC' = atan B.
cosa cosa cosff cosf
Ve se  SB" SC' bc
Vs ipcr " SB'SC a’cosacos B
Ap dung dinh li cosin trong ASB'C’, c6

2AB'AC".cos BAC' = AB™ + AC" — B'C"

1 1 2cos 2cos
=g’tan’ a+a’tan’ f—a’ — +——- A ) e LY
cos"a cos”f cosacospf cosa.cos [
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— AB'.AC".cos BAC' = g, 587 ~¢08®-CO8f

cosa.cos 3
Ta oo (4B'.AC"sin B/'E')2 =(4B'.AC")’ ~(4B.AC"cos EE')Z

4 €os” ¥ +cos’ a +cos’ f—2cosacos fcosy

4 2 2
=a tan" atan” f—a > >
cos” acos” f3

) (l—cos2a)(l—coszﬁ)—coszy—cosza—cos2ﬂ+2c0sacos,b’cosy

=da 2 2
cos” acos” [

s 1—cos’ a—cos® f—cos’ y +2cosacos fcosy
cos’ acos’

AB'.AC'.sin BAC' az\/l —cos” a—cos’ f—cos’ y +2cosacos fcosy
= S po = ) = .

2cosacos ff

bc
a’cosacos 3
CONG THUTC 5

Cho tir dién ABCD ¢6 AB =a;CD =b;d(AB,CD)=d;(AB;CD)=ca .Khido V., = éabd sina

b
Suyra V e = Vi e = a—6c.\/1+2005ac0sﬂcosy/—cos2a—coszﬂ—coszy :

Ching minh

C

Trong mit phang (ABC) v& hinh binh hanh CBA4'.

Taco AA'||BC nén V yop =V pep -

Goi MN 1a doan vudng goc chung cia 4B va CD v6i M € AB,N €CD.
Vi BM ||CA" nén Ve, =V,poep - TacdO MN L AB nén MN L CA'.
Ngoaira MN L CD nén MN L (CDA').

Taco (4B,CD)=(A'C,CD)=a .

1
Do doé V,,,cp =§SACD -MN =

%CA' -CD-sina~MN=éAB-CD-d-sina.

W | —

Vay V. pep = %AB -CDd.sinc .
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CONG THUC 6.
Ti s thé tich hai hinh chép c6 d4y hinh binh hanh. Cho hinh chép S.4BCD c6 day 1a hinh binh hanh;
va hinh chép ti gidc S.A'B'C'D' ¢6 A',B',C',D' lan luot nam trén cac canh S4,SB,SC,SD ; khi dé:
Vs vmen _ 1 84 SC’(SB' N SD’)

Ve isen 2 SA SC\SB SD

Chirng minh

Ta Cé VS.A'B’C'D’ — VS.A'C'D’ + VS.A'C'B' :lS_‘/‘l’SC’SD’ +1S_14,SC'SB'
Vs wer WVsier Vess 2 SA SC SD 2754 SC' SB

184 sC (SB’+SD’j

2754 sc’\SB " SD
CONG THUC 7
Mit phang (a) cit cac canh coa khdi ling tru ABC.A'B'C' lan luot tai M,N,P sao cho
AM BN CP .., X+y+z
A =X, BB =), cC =z .Khidod Ve =TVABC.A'B'C' .
Chirng minh
Taco VABCMNP = VNACB + VNACPM .
BN BN 1
VNACB :ﬁ'VB'ACB :ﬁ'EVABCA’B’C’ (1) :
1

CP+ AM)-—
Viaceu _ S sceur :( ) 2 :l( cp n AM)
Veucew  Sacen A4’ 2\cC A4

Page 5



CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

1{CP AM \ 2
:>VNACPM = )

oot )3 merse (2).

Tu (1) va (2) suy1a Vigewe = Viaes + Viaceu :é(gg, + ch, + Ijli:['j ABCA'BC *

CONG THUC 8.

Cho hinh hép ABCD.A'B'C'D', lay A, B,,C,,D, lan luot trén cac canh AA4', BB',CC’,DD’ sao cho bon
diém 4y dong phing. Ta c¢6 ti s6 thé tich hai khéi da  dién:

Visep.asen, 1 (AAI N CCIJ 1 (BB1 N DDlj

2

a4 cc' )

BB DD’
Chirng minh

VABCD.A'B'C'D' 2

P

Goi I,I' lan luwot 13 trung diém AC,A'C’. Ta ching minh duoc ba mit phing
(AcC'4’),(BDD'B'),(A4,B,C,D,) d6i mét ct nhau theo ba giao tuyén dong quy tai /, .
Tacé (ABB'A') /| (CDD'C'), suyra 4B, /| C\D,. Tuong ty, ta cling duoc A,D, / BC,.
Suy ra 4,B,C,D, 14 hinh binh hanh, ta c6 I, 1a trung diém A4,C,.
Ta c6 II, 1a duong trung binh trong cac hinh thang AA4CC va BBDD, suy ra
21, = A4, +CC, = BB, + DD, .

A4, CC, BB, DD,
Suy ra: + = + .

AA" CC" BB DD’
Ap dung cong thirc ti s6 thé tich trong khi lang tru tam giac, ta co:

VABCD.AIB]CIDI = VABC.AIB,CI + VACD.A1C1D1

1( 44, BB, CC\ 1 1( 44, DD, CC)\ 1

=— + + — e = + + —
3\ 44 BB CC')2 ABCD.A'B'C'D 3\ 44 DD CC' )2 ABCD.A'B'C'D
1( 44, CC, 1 (BB, DD,

:5 AA'+ cC' ¥ ABCD.A'B'C'D' :E ﬁ"'ﬁ ¥ ABCD.AB'C'D' *

CONG THUC 9.

Cho hinh chép S.ABC  véi céc mit phing (S4B),(SBC),(SCA) vudng goc véi nhau timg doi mot,
dién tich cac tam gidc S4B, SBC,SAC lan luot 1a S.,8,,8;.

. y 2S1S2S3
Khi dé: V, ;. =Y 2102%

3
Chirng minh
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A

batS4 = a, SB = b, SC = c.

1 1 1
Suyra S, =§ab;S2 =§bc;S3 ZECQ'

2 (1 ab] (lbcj (1 caj
1 a’bh’c’ 2 2 2 \J2.5,.5,.8,

Vs ase = g abc = 6 = 3 = 3

CONG THUC 10.
Cho hinh chép S.4BC ¢6 S4 vudng goc v6i (ABC), hai mit phang (S4B) va (SBC) vudng goc voi

nhau, gﬁ':ﬂ;@:a.

3 .
Khidé: V, . - SB”.sin 2¢x.tan S

12
Chirng minh
s
":_‘ax
P
m\n
| I-..' K e
n= > ¢
e ~

SA=SB.cosa .

(S4B) va (SBC) vudng goc v6i nhau.

Nén BC vudng goc (S4B).

Tam gidc SBC vudngtai B nén BC = SB.tan f = S, = %.SB.BC = %.SBQ.tanﬂ

Ké AK vudng goc SB . Luc ndy AK s&1a khoang cach tir 4 dén SBC . Do AK vudng goc BC va SB

Tacd AK = SAsina = SB.sinc.coso .
SBsin2a
5 .

SB’® .sin2a.tan 3
Vs ase = 12 .

CONG THUC 11.
Cho hinh chop déu S.ABCco diy ABC 1a tam giac déu canh bing @, canh bén bang b .

AK =
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a*\3b* —a’

Khi do: V, ;. =

12

Chirng minh
S
AN
i\

» | "\.\\‘

b o g g = C
\'\. o Wy e
G J M
AG:—AM:E.—3a:—3a B
3 2 3

113, 30 -a _a'V3p' -d’

V = —. . . =
S.ABC 3 2 2 3 12
CONG THUC 12.
Cho hinh chép tam giac déu S.ABC cb canh day bang a va mit bén tao véi mat phang day goc « .
tan o
Khi dé: V, . =2 ,
S.4BC 24
Ching minh
5
/AN
/ I.'I I \\
AN Y
R {‘ e
-
B
GM ZlAM :l-—3a :—361
3 3 2 6
SG=—atana

11 \/§ ) \/g a’tana
Vs jpe ==.—.——a .—atan .

32 2 6 24
CONG THUC 13.

Cho hinh chép tam giac déu S.ABC c6 cac canh bén bang b va canh bén tao v6i mit phang day goc

.
J3b* sin B.cos’ B
y .

Khi dé: Vs - =
Ching minh
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s
AN
AN
i
FA A
| y
/ Ill : \
,-/ﬁ.'l ,'I : \\“'-\.
N ™ M e
\\_ oo .‘____.
XS n
B
SG=hsinf .
AM = %AG = %.b.cosﬂ — BC =+[3b.cosp .
3V3 J3b* sin B.cos’ B

Spc = szcoszﬂ = Vs 48 = 4

CONG THUC I14.
Cho hinh chép tr giac déu S.ABCD c6 ddy ABCDIa hinh vudng canh bing a, va
SA=SB=SC=SD=b.

a*~ab* =24a°

Khi d6: V., =

6
Chirng minh
S
AR
/. e '::ﬁf
J-:: U . :.vrr"f i
¢ B

2
SO =+/S4? — 04> =,/b2—% .
S.ABCD 3 V 2 6 .

CONG THUC 15.
Cho tir dién ABCD ¢6 AB=CD =a, AC = BD =b,AD = BC = ¢ (tir dién gan déu).

Khi do: 1

A

1 2 2 2 2 2 2 2 2 2
=——\J(—a"+b " +c Na -b +c ))a +b-—c).
oo = EJ( X X )

Chirng minh
Cach 1:
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AV
B
Cc
'L
C'
B’ A

Dung tir dién D.A’B’C’ sao cho 4, B, C lan luot 1a trung diém cua B°C’, C’4’, A'B’ . Khi d6 ti dién
D.A’B’C c¢6 cac canh DA’, DB’, DC’ d6i mot vudng goc.
4 1 1 1 1 1

Taco V. =ZVDA,B,C. =QDA .DB'.DC".

DA+ DC" = 4b’ DA" =2(a* +b*—c%)
Tacd < DA”+DB" =4a> ={DB"” =2(a’ —b* +c°)

DB”+DC"” =4c> |DC"” =2(-a’+b>+c°)

e 1

Khi do: V. ZQDA'.DB'.DC': L\/(—a2 +b*+c*)a* -b*+c*)a’ +b* -c?).

62

Cach 2: Dyng lang tru AMNBCD nhu hinh bén.

Tir gia thiét ta co: MNDC 1a hinh thoi; cac tam gidc CAN,DAM 1a cac tam giac can, suy ra:
Al L NC,AI L DM = AI 1 (CDMN).

1 1 1 1
TacO: Ve = Vasswe =5 any =iy =5 AIMIN = —hamn

, —a’+b +c’
m =—
W+m?=c? , 22 )
Tu 42 +n=b* < nZZM
2
2 2 2
m +n-=a
hz_az—b2+c2
2

Suy ra:

1
V =——J(=a* +b* +*)(a’ —b* + ) a* +b* = ?).
g MJ( X X )

Cach 3: Dyng hinh hop chit nhat AMCN.PBQOD nhu hinh bén.
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Goi céc kich thudce cua hinh hop lam, n, p.

. 1
Taco: Viypg =Vipupe = VQBCD =Viuen = EVAMCN.PBQD . Suy ra:

Visen = _VAMCN.PBQD = gm.n.p .

3
m2:a2+b2—02
m*+n’ =b* ) 22 )
Taco: <m’+p’=a’ < nzzﬁ.
p2+nz=c2 , A’ —b*+c?
P
V pen = L\/(—a2 +B+ YA —b + ) d D —c) .
62

Cach 4:

1 .

Str dung cong thac V., = gAB.CD.d (4B,CD).sin(A4B,CD).
Goi 7, J lan luot 1a trung diém ciia 4B vaCD . Ta chimg minh dugc [J 13 dudng vudng goc chung
cua AB vaCD . Goi «ala goc gitta AB vaCD
Taco V) = %AB.CD.IJ sina .
AC*+BC* 4B* CD* b’ +c’-d’

2 4 4 2
+ AB.CD = AB.CD.COS(ZB,@) (*).

Tinh AB.CD = AB(AD— AC)= AB.AD— AB.AC (**).

+ [J*=IC*-CJ*=
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2 2 2
BD' = (AD-AB) =AD" + AB" —2AB.AD = ABAD =S4 =0

2 2 2
Tuong tu: AB.AC = atb ¢ .

Thay vao (**) ta duogc:
— F+at-b a+b - s

AB.CD = =c’-b.
2 2
T (¥)tacd ¢ —b° = az.cos(ZE,El—j)
2 252
(c*=b*)’ =a*.cos’ a=cos’ a :M.
a

b —a? (Cz_bz)z
I |

Taco: V,yep = %AB.CD.IJ.sina = %az.\/

1
V =——
ABCD 6 /2
Cach 5:

V(& + B +)d -+ )@ +b =)

Goi I, J, M, N, P, O lan luot 1a trung diém ctia AB, CD, AC, BD, AD, BC.

Ta thay t gidc MINJ 14 hinh thoi. Ta ching minh dwoc PQ vudng goc v6i AD va BC nén PQ
vuong goc vi mp (IMJN).

Goi G 1a giao diém cua cac duong IJ, MN, PQ . Taco

Vo = 2V oy = Z%PG%IJ.MN = %PQ.]J.MN .

Vi Ve =Vano = VCQMJ =Vppns = g Viseo 080 Voo =Vipep — (VAIMP + VBINQ + VCQMJ + VDPNJ) = EVABCD

Suyra Vpep = 2Vonim = %PQ.IJ.MN.

Ta tinh duogc:
AC*+BC* A4AB* CD* b’ +c’-d’

*=I1C*-CJ* =
2 4 4 2
Tuong tu:
PO = b*+a* -c? N = a’-b*+¢?
2 7 2
Tu do:
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L

V = —a*+b+ ) aP=-b+ AN at +b* =)
g MJ( X X )
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@ HE THONG BAI TAP TU LUAN.

DANG 1. THE TiCH KHOI CHOP CO CANH BEN VUONG GOC VOI DAY
Kién thirc cin nhé:

1) Cong thirc tinh: 7 = %B.h (B : dién tich day va A 1a chiéu cao ctia khdi chop).

2) Chiéu cao ciia khéi chop thuong tinh bang d6 dai canh vudng goc voi day
Loai 1: Tinh bing cong thic
Phuong phap giai (kién thirc can nho):
O loai toan nay trinh bay cach tinh thé tich khdi chop ¢6 mot canh vudng goc vai day bang sir dung don
thuan cong thirc V' = EB.h , trong d6 B : dién tich day va /4 1a chiéu cao cta khoi chép. Ta can nhd méot

sb kién thirc co ban sau:
1. Cac hé thirc lwgng trong tam giac vuong
® BC? = AB* + AC? A
® AH.BC=AB.AC
® 4B*=BH.BC, AC*=CH.CB

1 1 1

2~ > T 2

AH AB® AC

AH?* = BH.CH

2. Cac hé thirc trong tam giac thuwong
v" Dinh 1y ham cosin:
*a’=b"+c"—2bccos A

e b>=a’+c’—2accosB

e ¢’=a’+b"-2abcosC

v" Dinh 1y ham sin: A

.4 b ¢ _op
sind smB sinC

(R 1a ban kinh dudng tron ngoai tiép A4BC)

v" Cong thuc tinh dién tich tam giac:

1 1 1
* S e =—ah =—bh =—ch
AABC 261 a 2 b 2C c

1, . 1. 1.
* Ssc :EbcsmA = EacsmB :EabsmC

abc
* Susc :H’ Saipc = DI

» S=p(p-a)(p-b)(p-c)

Trong do: p :%bﬂ’, r ban

kinh dudng tron noi tiép
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v/ Cong thirc tinh d6 dai duong trung tuyén:
2(b2+cz)—a2 5 2(az+cz)—b2

*m, = > My, =
4 4
. =2(az+b2)—c2
¢ 4

3. Dién tich da giac:
v’ Tam giac vudng

* Dién tich: S, ;. = %AB.AC

v/ Dién tich tam giac déu

2

e Dién tich: S = AB4'\/§ .
AB

* Duong cao: h = 2\/5 .

v Hinh vuéng:
e Dién tich: S = 4B*
* Buong chéo: AC =BD = AB\2

v Hinh chit nhét:
* Dién tich: S = AB.AD

« Pudng chéo: AC = BD =~/ AB* + AD?

v/ Hinh thoi: B 4
* Dién tich: S = %AC.BD
* Dt biét: 1 trong cac goc trong ctia hinh thoi biang
60°, khi do6 hinh thoi dugc tao bdi 2 tam giac déu.
C D
v Hinh thang: A D
AD+ BC)AH
* Dién tich: S = ( 5 )
* Bic biét: Hinh thang vuong, hinh thang can
B H C
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Cau 1. Cho hinh chop S.4BC c6 day ABC la tam giac vudng tai 4, AB = a, AC =2a. Canh bén SA
vudng goc voi day va S4 = 2a. Tinh thé tich ¥ cta khdi chop S.4BC.
Loi giai

Duong cao: S4 =2a.
AB.AC
=a .
2

3
— Thé tich: ¥, . = %SMBC SA = 2%

Dién tich: S, =

Cau 2. Cho hinh chop S.ABC c6 S4 L (ABC
V ctia khéi chép S.4BC

AABC vudng can tai A, SA = BC = a. Tinh theo a thé tich

Loi giai.

BC a 1, &
Taco AB=—==—=nén §,,. =—AB" =—.
\/5 \/5 ABC ) 4
2 3
Thé tich khéi chép S.ABC 1a V=2 54.5 , =+a 9 =9
3 377412

Céu 3. Cho khéi chop S.4BC c6 SA L (ABC), tam giac ABC vuodngtai B, AB=a, AC = a/3 . Tinh thé

tich khdi chép S.4BC, bibt ring SB = av/5.
Loi giai
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q* o alle
B
Tacod: SA=+SB> — AB> =2a;BC =~ AC? — AB*> = a2
ABBC da*\2 1 a2
SABC = B = ) = VS.ABC = ESA‘SABC =5 -

Céu 4. Cho hinh chép tam giac S.4BC c6 ddy ABC 1a tam giac déu canh a, canh bén S4 vudng goc day va
SA =2+/3a. Tinh thé tich ¥ ctia khdi chép S.4BC.
Loi giai
3
1\

2 3 v ]
TacéSAgcz#;h:SA:%/ga:V:%. B

Céu 5. Cho khdi chop S.ABC c6 SA | (ABC), SA=a, AB=a, AC =2a va BAC =120°. Tinh thé tich
khéi chop S.ABC.

Loi giai

B
. 3
Ta cé: Vs e = %SA.SAABC = %SA%AB.AC. sin BAC =2 6*/3 (dvtt).
a3

Vay thé tich khéi chép S.4BC la

6
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Cau 6. Hinh chop S.4BCD c6 day hinh vudng, S4 vudng goc véi day va SA = a3 , AC =a+/2 . Khi d6 thé
tich khdi chép S.ABCD 1a

Loi giai

Tacd ABCD la hinh Vu6ng ¢6 AC = a2 suyra AB=a.

| J_

Vs .apep = ESA'SABCD = a\/_ 2=

Céu 7. Cho khdi chop S.ABCD c6 day 1a hinh chu nhét, SA L (ABCD), AB=3a, AD =2a, SB =5a. Tinh

thé tich ¥ cta khéi chép S.4BCD theo a.

. 1
Taco: Vg pep = E.SA.SABCD.

Xét tam gidc vudng SAB c6: SA=~/SB> — AB*> =4a.
Va S, = AB.AD =6a’.

1
Nén Vs jpep = §.4a.6a2 =8a’.

Céu 8. Cho hinh chép S.4BCD ¢6 SA vudng goc véi mit phing (ABCD), ddy ABCD 1a hinh thang vuéng
tai A va B ¢6 AB=a, AD =3a, BC = a. Biét SA = a+/3, tinh thé tich khéi chop S.BCD theo a.
Loi gidi
S
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Taco Vs pep = %SA.SBCD.

Lai c6 Suep =S pep — Sisp = %AB.(AD +BC) - %AB.AD = %AB.BC = %az

3
Ma SA=a3 =V, 0p = af a 6\/_
Nhdn xét: Néu dé bai bo gia thiét AD = 3a thi s€ gidi nhu sau:

1
Tacod Ve yep = %SA.SBCD = %SA.%d (D,BC).BC = gSA.AB.BC =

3
—
Céu 9. Cho hinh chop S.4BCD c6 ddy ABCD 1a hinh thoi canh @ va géc BAD =60°,54 L (ABCD),

ot

SA = —— . Thé tich khéi chép S.4BCD la

Loi giai

Tam gidc ABD déu, c6 canh bing a.

2 2
3 3
Suyra Sy =28, = 2.2 3 _aV3
4 2
1 a3x/§
VS.ABCD ZESABCD'SA = 4

Cau 10. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudéng, canh bén S4 = a2 va S4 vuong goc voi
mit phing day, tam giac SBD 1a tam giac déu. Thé tich ctia khéi chép S.4BCD bing
Loi giai

bat AB=x, AABD vuong cantai 4 = BD = x\/z.
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Do ASBD la tam giac déu = SB = SD = BD = x+/2.
Lai c6 ASAB vudng tai A
2 2
= SA> + AB* = SB’ @(aﬁ) +x? =(xﬁ)
= x*=2a" :>x=a\/§
1

1 2 242
= VS.ABCD = E'SA'SABCD = gaﬁ(a\/z) = 3 X

Céu 11. Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh vudng canh bang a. Canh S4 vudng goc véi day va
SA =y . Trén canh 4D liy diém M saocho AM = x.Biétrang x* + y* = ¢*. Tim gié tri 1on nhét
ctia thé tich khéi chép S.ABCM .

Loi giai

Taco O<x<a; y=va’ —x".
1 1 (x+a)a 1

VS.ABCM ZESA'SABCM :Ey-T Zga a’ —x° (x+a).

Xét ham sd f(x) =+a’ —x’ (x+a).

f'(x) _ 2x* —ax+a’ .

a’-x’
X =—a
f(x)=0e 4 nhan x=2.
xX=— 2
2
® a
x 0 2 a
L 4 @
F () - 0 +
@ @
S(x)
L J
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33 . 3
1 Vay MaxVs jzc = g

a

:>Maxf(x)=f(—j=

2

LOAI 2: TINH THE TiCH KHOI CHOP CO CANH BEN VUONG GOC VOI PAY KHI BIET GOC
GIUA PUONG VA MAT
PHUONG PHAP GIAI (KIEN THUC CAN NHO):
Céch xac dinh goc gitra duong thang va mat phang

- Néu d L (P) thi (d,(P))=90°.

L —

- Néu d khong vudng goc voi (P) thi (d,(P))=(d,d") v6i d' 1a hinh chiéu cia d trén (P)

Chii y: 0°<(d,(P))<90°.
Céu 1. Cho hinh chép SABCD, ABCD 1a hinh vudng canh 2a, SA4 vudng goc voi mit phing day. Goc giita
SC va (ABCD) 1a 60°. Tinh thé tich khoi chép SABCD.

Loi giai

S

Vi S4 L (ABCD) nén AC 1a hinh chiéu cua SC trén (4BCD)
— SCA = 60°.
ABCD 1a hinh vuéng nén AC = \/m =2a/2.
SA = AC.tan 60° = 2a+/6

Thé tich khéi chép SABCD 1a: V = %.4a2.2a[ = §a3\£ .

Céu 2. Cho hinh chép SABC c6 day ABC 1a tam gidc vudng can tai B vdi AC = a biét S4 vudng goc véi
déy (ABC) va SC hop véi (SAB) mot géc 30°. Tinh thé tich khoi chép SABC.

Loi giai
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S

Tacé: SA L (ABC)=> SA L BC
Ma BC L AB = BC 1 (S4B)
— SB 14 hinh chiéu cua SC trén (SAB)

= BSC =30°

ABC la tam giac vudng can nén AB = BC = a;/i
Vi BC 1 (S4B)= BC L SB

Xét ASBC vudng tai B, SB = tafgoo = a;/g

Xét ASAB vudng tai A, SA=~SB*> - AB* =a
2 3
Thé tich khéi chop 1a ¥ = —.q~9 =9
3722 12

Céu 3. Cho hinh chép S4BC c6 day ABC la tam giac déu canh a biét SA4 vudng goc véi day ABC va SA
hop véi (SBC) mot goe 45°. Tinh thé tich khdi chép SABC.

Loi giai

Goi H latrung diém BC, dung AM | SH
Taco SA4 L (ABC) = SA 1 BC ma BC 1. AH
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= BC L (S4AH)= BC L AM.

= AM 1 (SBC) = SM 1a hinh chiéu ciia S4 1én mit phing (SBC)
— ASH = 45°.

= ASAH la tam gidc vudng cantai A = SA=AH = %

a* 3 ax/g_a3

1
374 2 8

Thé tich khéi chop 1a ¥V =

LOAI 3: TINH THE TiCH KHOI CHOP CO CANH BEN VUONG GOC PAY KHI BIET GOC
GIUA HAI MAT PHANG , ‘
PHUONG PHAP GIAI (KIEN THUC CAN NHO):

- Céch x4c dinh goc gifra hai mat phang cat nhau: Cho hai mit phang (P) va (Q) cét nhau theo giao
tuyén d. T mot diém / bat ki trén d ta dung duong thang a trong (P) vudng goc véi d va dung
duong thang b trong (Q) vudng gbe véi d . Khi d6 goc gita (P) va (Q) 1a géc giira hai duong thing
a va b. )
- Dién tich hinh chiéu cia da giac: S'= S.cosa
(v6i S 1a dién tich da gidc ndm trong (P) va S 1a dién tich hinh chiéu vuéng géc clia da gidc do trén
(0), a lagoc giita (P) va (Q))

Cau 1. Cho khoéi chop S.ABCD c6 ddy ABCD la hinh vudng canh a, S4 vuong goc véi mat phang day. Bict

goc gifra hai mét phang (SBD) va (4BCD) 1a 30°. Tinh thé tich khdi chép S.4ABCD.

Loi giai

BD 1 §4
BD 1 AO

BD 1 AO

Goi O 1a tdm hinh vuéng 4ABCD. Khi do6 .
BD 1 SO

= BD 1 (S40)= {

Do d6 géc gitra hai mit phing (SBD) va (ABCD) la géc S04 hay 504 =30".

Xét tam gide vudng SAO, canh SA = AO.tan SOA = %AC. tan30° = YO

6
1 1 a\/gaz_cf\/g

Suy ra: Vs ypep = 3 SAS ypep = 376 13
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Cau 2. Cho khéi chop S.ABC c6 ABC la tam giac vudng can tai 4, BC = a2 , S4 vudng goc voi mat
phing déay. Géc gifta hai mat phing (SBC) va (ABC) la 45°. Tinh thé tich khdi chép S.4BC.
Loi giai
S

BC 1L AD
BC LSD’

BC 1 AD

Goi D la trung diém canh BC. Khi d6
BC 184

= BC J_(SAD):>{

Do d6 goc giita hai mit phang (SBC) va (ABC) 1a goc SDA hay SDA = 45".

. . . 1 2 .
Tam gidc SAD la tam gidc vudng can tai 4 nén SA = AD = EBC = aT (tam gidc ABC vudng can

tai A).

. , at 1 1 aﬁ a’ a3\/§
Ma't khac SAABC :7 nen VS.ABC :gSA'SAABC :g. 2 _?: 12 .

Céu 3. Cho khdi chép S.4BC c6 canh bén S4 vudng goc voi mit phing ddy. Goc giira hai mét phang (SBC)
va (ABC) la 60°. Tinh thé tich khéi chop S.4BC biét S4 = a va dién tich tam giac SBC béing 3a’.

Loi giai

B
Do SA4 L (ABC) nén A4BC la hinh chiéu vuong goc cia ASBC 1én mét phang (ABC).

2
Suyra S, e = Sagse-€0560° =3a’.cos 60° :%.

, 1 1 3¢ o
Do do6 VS.ABC =§SA‘SAABC :§.a.7=7.
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Céu 4. Cho khdi chép S.ABCD ¢6 ABCD 1a hinh vudng canh a, S4 vudng goc voi mit phing day. Goc
gitta hai mét phing (S4D) va (SBC) 1a 60°. Tinh thé tich khdi chép S.4BCD.

Loi giai

Qua § ké dudng thang d song song véi AD . Khi dé d 1a giao tuyén clia hai mét phang (SAD) va

{diSA

(SBC). Matkhac d L (SAB)= I 1B nén goc ASB 14 goc gitta hai mit phing (SBC) va (S4D)

hay ASB = 60°.

Xét tam gidc vudng SAB, canh SA4 = AE\ =4 ;= a\/g.
tan ASB  tan60 3
, 1 1 a3 a3
Do d6: V pep :ESA'SABCD =373 a = 5

LOAI 4. TINH THE TiCH KHOI CHOP CO CANH BEN VUONG GOC VOI PAY KHI BIET
KHOANG CACH TU 1 PIEM PEN MQOT MAT PHANG.

PHUONG PHAP GIAI (KIEN THUC CAN NHO): ,
1) Can nh¢ kién thic co ban vé xac dinh khoang cach tir chan duong cao dén mat bén.
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bay

Xét tam giac SHM vuodng tai H, HM vudng goc voi BC va HK 1a duong cao

oTinh khoang cach tir chan dudng cao H dén mit bén (SBC) ta sir dung cong thirc
HM .SH

NHM? + SH*?

oTinh do dai canh SH ta sir dung cong thirc
HM .HK
SH =
HM? - HK*
2) Trong trudng hop bai toan cho khoang cach tir mot diém bét ki thudc day dén mat bén, ta phai
dung ty I¢ dé dua vé khoang céch tir chan dudong cao dén mat bén.

HK =

Céau 1. Cho hinh chép S.ABC c6 ddy ABC la tam gidc déu canh a. Canh bén S4 vudng goc v6i miat day

av15

(4BC). Khoang cach d tir A dén mit phing (SBC)bang .Tinh Vg 5.

Loi giai

B

a3

Goi M latrung diém BC, suyra AM 1 BC va AM :T'

Goi K l1a hinh chiéu ctia A4 trén SM ,suyra AK L SM . (1)
) {AM 1 BC

Ta c6 = BC 1 (SAM )= BC L AK. (2)
BC 154
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Tir (1) va (2). suyra AK L (SBC) nén d[ 4,(SBC)] = AK = 515 .
2
Dién tich tam gidc ABC : S ;- =#
2 3
Trong ASAM , c6 SA =M=ax/§. Vay Vs sc _la \/g.a\/gza—
AM? - 4AK® o34 4

Cau 2. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat véi1 AB = a, AD =2a ; canh bén S4 vuong
goc véi day. Khoang céch tir diém A4 dén mit phiang (SBD) bang 2?“ Tinh thé tich khéi chop

S.ABCD.
Loi giai
Trong (ABCD),ké AE L BD,(E € BD).

Trong (ABCD),ké AH L SE,(H € SE) (1)

. [BD L 54 s
i = BD L (SAE)= BD L AH (2) .
BD L AE

Tu (1) va (2) = AH L (SBD) = d(4,(SBD))=AH . 19N

Xét AABD vudng tai A c6 dudng cao AE |, ta co: S
AB.AD a.2a 2a i ;” B

AE = - ==
JAB +uD* i +4a® 5 [, V0.« S, RN T

Xét ASAE vudng tai A c6 duong cao AH , ta co: _, :
2q 2a et ,
—_— &= - ﬁ'

AH.AE 35, B C

CJ4E A’ 4 4

5 9

S4

. 1 2d°
V&Y Vi uscp =5 AB.AD.SA = ;’ .

Cau 3. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuong tai 4 va B, AD=2BC,
AB = BC = a3 . Dudng thing S4 vudng goc véi mit phing (ABCD). Goi E la trung diém ciia

. . 2R A < 2 3 a\/5 , X s . .
canh AD, khoang cach d tir diém E dén mat phang (SCD) bang e Tinh thé tich khoi chop

S.ABCD
Loi giai
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)

2
Ta c6 dién tich hinh thang S ,,.,, = %(AD +BC)AB = %(251\/5 + a\/g).ax/_ = 9%.
Taco d(A4,(SCD))=2d (E,(SCD)) = #

D& thdy AC vudng géc CD do vay ké AI vudng goc véi SC thi Al =d(4,(SCD)).
Xét tam gidc vudng SAC c6 Al la dudng cao, khi do
AC.AI

a3
SA:\/ ) aﬁ.ﬁ.T :a\/@.
AC?* — AI” > (af3 2 7
CRES

2 3
The tich khdi chop Vs yscp = % 9‘21 -a\/? - 1;{5'

DANG 2: THE TiCH KHOI CHOP CO HINH CHIEU CUA PINH LA CAC PIEM PAC BIET
TREN MAT PAY (KHONG TRUNG VOI CAC PINH CUA PA GIAC PAY)
PHUONG PHAP GIAI (KIEN THUC CO BAN)
+ Tom tit ngan gon kién thirc co ban can nim.

: ‘. 1 . )
Cong thuc tinh thé tich khoi chop: V = E.B.h . (Trong d6: B 1a di¢n tich day, 4 1a chiéu cao)

- Pé tinh thé tich cta khbi choép, ta thuc hién theo cac budc sau:

Budc 1: Xac dinh duong cao. Tinh duong cao.

Budc 2: Nhan dang day. Tinh dién tich ctua day.

Budc 3: Tinh thé tich theo cong thirc.

Chu y:

1. Hinh chop ¢6 cac canh bén bang nhau thi chan duong cao tring voi tim ctia dudng tron ngoai
tiép da giac day.

2. Néu (SAB) L (ABC) thi dwomg cao SH ciia tam giac S4B chinh 1a dudng cao cta khdi chop
S.ABC

3. Pé tinh dién tich tam gidc ta sir dung cac cong thirc sau:
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S zlh a :lhb.b:lhc.c.
2 2 2

a

S :labsinC:%bcsinA :%acsinC.

4. Tam giac ABC ¢6 h la dwong cao ké tir A, S la dién tich.

- Tam giac ABC déu: h=@, S=§ABZ.
- Tam gidc ABC vudng tai A: BC =~ AB* + AC* |, h= 48.4C , S =%AB.AC.
2
BC Lwae.

- Tam gidc ABCcantai A: h=,|AB* — 2 ’SZE

5. Goc giira canh bén va day

— —
—_ —_ —_

Tom lai, (SM,(ABC))=SMH , ¥M <(ABC).
6. Goc gitra mat bén va day:
((SBC).(4BC))=SKH , ((SAC),(ABC))=SIH .
BH AH . .

Chuy: HK = AA’.E , HI = BB'.E (v6i AA", BB'la cac dudng cao ctia tam giac ABC)
TRUONG HQP 1: HINH CHIEU CUA PINH TREN MAT PAY NAM TREN CANH CUA PA
GIAC PAY (MOT MAT BEN CUA HINH CHOP VUONG GOC VOI MAT DPAY).

Céu 1. Cho hinh chép S.4BC c6 day la tam giac ABC vudng can tai C, tam gidc SAB déu canh ¢ nim
trong mit phing vudéng goc voi mit phang day. Tinh thé tich cta khdi chép .
Loi giai
S

s
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V3a

ASAB déu canh ¢ = dudng cao SH = - (S4B) L(ABC) nén SH ciing la duong cao cuia hinh

chop S.ABC. AABC vuodng can tai C nén AC = BC :% =

Sls

3d?
24
Cau 2. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, AB=a, AD =2a . Tam gidc SAB can tai
S va nam trong mat phing vudéng goc véi ddy. Pudng thang SC tao voi mat phang ddy mot goc
60° . Tinh thé tich ctua khdi chép S.4BCD .
Loi gidi

1 a’ 1
:>SABC :EACBC:I = VS.ABC =§SH‘SABC =

ASAB can tai S va nam trong mit phang vudng goc v6i mit ddy nén hinh chiéu vudng goc cia S
trén (ABCD) 1a trung diém H ciia AB.

CH=\/m= \/12_7a Do (m):@=60° nén SH = CH.tan 60° = \/?a_

3
S pep = ABCD =2a> =V, op = %SH.SABCD = @ .
Céu 3. Cho hinh chép S.4BC ¢6 day 1a tam gidc can dinh 4, AB= AC =a, BAC =120°. Mit bén S4B 1
tam giac déu va nam trong mat phing vudng goc voi ddy. Tinh thé tich khdi chép S.4BC .
Loi giai
S

Goi H 1a trung diém ctia AB, ASAB déu canh a va vudng goc v4i day nén duong cao ciia hinh

3a

chop la SH = 5
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\/§a2 1 a
4 = Vs 4nc :ESH'SABC :§-
Ciu 4. Cho khéi chop S.ABCD c6 day 1a hinh vudng canh a, tam gidc SAC vudng tai S va nam trong mat
phang vudng goc voi ddy, canh bén S4 tao v6i day mot goc 60°. Tinh thé tich cua khédi chop
S.ABCD .

S e = %AB.AC.sinERT - %az sin120° =

Loi giai

Do (SAC) L (ABCD) nén dudng cao SH ciia tam gidc SAC la dudng cao cia khdi chép S.4BCD

Tam giac SAC vudng tai § va (m) = SAH = 60° = SA = AC.cos 60° =%
Jéa

4

1 \/gcf
SABCD =a’= VS.ABCD = ESH'SABCD = T

Cau 5. Cho ti dién ABCD c6 ABC la tam giac déu canh «, tam giac BCD cantai D va nam trong mat
phang vudng goc véi mit phang (ABC). Biét AD hop véi (ABC) mot goc 60°. Tinh thé tich cia

khdi tt dién di cho.

= SH = S4.sin 60° =

Loi giai
D

Do ABCD cén tai D va nam trong mit phang vudng goc véi (ABC ) nén hinh chiéu vuéng goc

ciia D trén (ABC) la trung diém H cia BC = DH 1 (ABC)

(4D,(4BC))= DAH = 60° :>DH=AH.tan6O°=37a.
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3a® 1 3a’
S e = ‘/_T" =V = DHS = NEL
Cau 6. Cho khdi chop S.ABCD cb day 1a hinh vudng canh «, mit bén S4B 1a tam giac cin tai S va nim
trong mit phang vudng goc vdi mit phang day. SC tao véi (SAB ) mot goc 45° . Tinh thé tich cua
khéi chop di cho.

Loi giai

Do ASAB cantai S va (SAB) L(ABCD) nén hinh chiéu
vuong goc cua Strén (ABCD) la trung diém H cua AB = SH L (ABCD)
BC 1 AB,BC 1 SH = BC 1 (SAB) = (SC,(S4B))=BSC = 45° = SB= BC =a

3a

— ASAB déu canh ¢ = SH ==

NEYS
=

1
S s5ep = a’ = Visep = ESH'SABCD =

TRUONG HQP 2: HINH CHIEU CUA PINH TREN MAT PAY NAM O MIEN TRONG CUA PA
GIAC PAY
Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng c6 canh V3a tam O, SO vudng gbéc voi
(ABCD), SO =a. Tinh thé tich cua khdi chop S.4BCD .

Loi giai

Dién tich mat day ABCD la: S ., =3a’.
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Thé tich khéi chép S.ABCD1a: V = %.SO.SABCD = %.a.f&az =a’.
Céu 2. Cho khéi chép S.ABC c6 SA =SB =SC, tam gidc ABC 1a tam giac déu canh 24, khoang cach giira

.3 , .
S4 va BC bang Ta' Tinh the tich khoi chép S.ABC.

Loi giai

Goi G la trong tAm tam giac ABC suyra G 1a chan duong cao ké tir S xudng mit day
= SG L (4BC)

Ké Ax//BC = BC//(S4, Ax)
Nén d(S4,BC)=d(BC,(S4,4x))=d (M (54, Ax)) = %d(G,(SA, Ax)) Vi MA = %GA :
Ké GH L SA.

Ax 1 GA
Tacd :>AxJ_(SAG):>AxJ_GH.
Ax L SG

. GH 1 Ax
Khi dé{ SA:>GHJ_(SA,Ax):>d(G,(SA,Ax))=GH.

Do do d(SA,BC)z%GH:GH=a.

2 22a\3  2a\3

Talaicd AG=—AM =—
3 3 2 3

1 1 1 1 1 1 1
> = >+ > & > = > > = 2:>SG:2a.
GH SG- AG SG GH- AG 4a

Ma S, = a*\3.

Nén

2a3x/§
T
Cau 3. Cho hinh choép S.ABCD c6 day la hinh thoi canh «, ABC =60° . Hinh chiéu vuong goc cua S lén
mit phang day 1a trong tAm cta tam gidc ABC. Goi M, N lan luot 14 trung diém ciia 4B, SD . Biét

2426
13

1
Vay V=286 =

. Tinh thé tich khéi chép S.4BCD .

cosin goc giita hai duong thing CN va SM bang

Loi gidi
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Goi O=ACNBD va G latrong tam tam gidc A4ABC tacod SG L (ABCD).
bat SG =h. Goi P la trung diém cua DM .
2426
13

NP/ISM :>(S/M,C\N):m):>cosa\ﬁ’:i

Vi day la hinh thoi va ABC =60° nén AABC , AADC 1a céc tam giac déu canh 4.
Khi do:

2 2

DM _ M +CD2 a“’ J_a

MCD =90° = CP =

2
2 az
vp_SM _SG* +GM? +E
2 2
\/2(C52+CD2)—SD2 \/2(CG2+SG2+CD2)—(SG2+GD2)
N: = .
4 4
a2
2| =+ h*+a* |-
3 h* +4a’
4
1[h2+aj 30* +44° 7a2
_— 2 2 2 4 12 12 16
Ta co: cosCNP—NP +CN”-CP =
2NP.CN \/hz 302+ 4q>
12° 12

3 6h* —a?
V1212 + a® 3R + 44>

2 2
Do do6: On” —a 2\/7 \/7
V1212 + @302 + 44
1 ] (ﬁ ZJ 19 384
2| —a” |.,[—a= .

Vay VS.ABCD = ESABCD h = 5 4 6 12

Céu 4. Cho hinh chép S.ABC c¢6 ddy ABC 1a tam giac déu canh bang 1. Biét khoang cach tir 4 dén mit

phang (SBC) bang @, tr B dén mit phang (S4C) bang %, tr C dén mit phang (S4B)
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bang % va hinh chiéu vudng goc ctia S xudng day nam trong tam giac ABC . Tinh thé tich khdi

chop S.ABC.

Loi giai

Goi O 1a chan duong cao ha tir S xudng mat phang (ABC )
bat d(0,BC)=a, d(0,4AC)=b, d(0,4B)=c, SO=h.

Tacod S, e = Syope +Saouc +Saous = a+b+c= ?(1) (Vi AABC déu canh bang 1).

d(0,(SBC)) oM Ol 2a

Matkhie 2 B)) M AR d(0,(SBC)) —T“ ﬁ:%.
Suy ra %:%+al—2:>a:h.

A
Twong tu ZEZEEAEB = Z((ijg)) = %: d(0,(84C))= % 1£05:%'
Suy ra biz:%+b%:>b:2h.

AB
tenste G0 =)~ = OO =

Suy ra ¥:L+L2:>c:3h .
c c

h2
(1):h+2h+3h:£<:>h:£:>V:l.SO.SMBC:L.
2 12 3 48

\ . : 1
Vay thé tich khoi chop S.4BC bang 15

TRUONG HQP 3: HINH CHIEU CUA PINH TREN MAT PAY NAM O MIEN NGOAI CUA PA
GIAC PAY
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Céau 1. Cho hinh chép S.ABC c¢6 diy ABC la tam gidc vudng can tai A, biét 4B = AC = a . Hinh chiéu cia
dinh S 1én mat phing (4BC) ladiém H d6ixtmg v6i 4 qua BC. Goc gilta S4 va day bing 45°
. Tinh thé tich ciia khdi chop S.4BC theo a.

Loi giai

Vi H d6i xtng voi 4 qua BC va AABC vudng can tai 4 nén ABHC 1a hinh vuéng.
Do SH L (ABC) nén goc giita S4 va mit phing (A4BC) 1a goc SAH =45°
Suyra SH = AH = a2

. ‘. 1
Vay thé tich cuia khoi chép S.ABC 1a Vg - = E.SH Spe = a\/— a fa

Céu 2. Cho hinh chép S.4ABC c6 ddy ABC 1a tam gidc déu canh a . H1nh chleu cua dmh S 1én mit phing
(ABC) 1a diém H ddi xtmg v6i 4 qua BC. Biét S4=2a . Tinh thé tich ctia khbi chop S.4BC
theo a .

Loi giai

Vi H dbi xtmg v6i 4 qua BC va AABC ddu nén AH =2."‘5 a3,

Do SH 1 (ABC) nén tam gidc SAH vudng tai H,do d6 SH =/SA> - AH* =\4a> ~3d* =a.

3
Vay thé tich cita khéi chop SABC 13 V, . =+ SH.S e = ; ‘/;“ */152“ .
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Cau 3. Cho hinh chép S.ABC c6 ddy ABC la tam giac can tai A, goc BAC =120°, canh BC =a . Biét
S4 =SB =SC =2a . Tinh thé tich ctia khdi chop S.4BC da cho theo a .
Loi giai

Do S4=SB=SC nénhinh chiéu H cua S 1én mit phang (ABC) 1a tim cua dudng tron ngoai tiép
tam giac ABC.
Goi R 1a ban kinh duong tron ngoai tiép tam giac ABC, ta co:

B/C\ =2R :>R='Lo:i.
sin BAC 2sin120° 43

2
Khi d6: +) SH =/ S4> - R* = ,/4a2 —“? = a\/lgl.
1

1
) Susce =5AM.BC =E.BM.tan3O".a =

a 1 J3d?
.5.$.a TR
Vay thé tich khéi chép S.ABC 1a: V; 0 =~ Jla 3a? .
37312 36
Céu 4. Cho hinh chop S.ABC c6 day ABC la tam giac déu canh a, tam gidc SAB vudng tai B, tam giac
SAC vuong tai C. Biét goc giita hai mit phang (SAB) va mit phang (ABC) bang 60° . Tinh thé

tich ctia khdi chop S.4BC theo a .

N | —

Loi giai
S
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Goi H 13 hinh chiéu cta S 1én mit phing (ABC )
, |AB LSH

Ta co: = AB 1 (SBH) = AB L HB.
AB 1 SB

AC L SH
AC L SC

Nhan théy: ASAB = ASAC = SB=SC.Khi d6 ASHC = ASHB = HC = HB.Ma AB= AC.
Ta dugc HA 1a trung truc cia BC.

Tuong tu: { = AC L(SCH) = AC L HC.

Do d6 HB = HC = AB.tan BAH = AB.tan30° = .

J3

Mat khac: (SAB)N(ABC)=AB, HB L1 AB;SB1 AB. Suy ra goc gilta hai mat phang

(S4B),(4BC) 1a SBH =60°. Do d6 SH = HB.tan60° =—=~3 =a.

3
1 \/§a2 :\/§a3 '

. .. 1
Vay thé tich khoi chop S.ABC 1a V ;- =§.SH.SAABC = g.a. 2 >

DANG 3: THE TiCH KHOI CHOP PEU
PHUONG PHAP GIAI (KIEN THUC CAN NHO)
1)  Hinh chép déu: La hinh chop c6 ddy 1a mot da giac déu va cac canh bén bang nhau.
2)  Tinh chét: Trong hinh chop déu ta cé:
>  Chan duong cao la tim dudng tron ngoai tiép ddy.
>  Céc mit bén 1a nhitng tam giic can bang nhau.
>  Céc canh bén hop véi day cac goc bang nhau.
> Céc mit bén hop voi day cac goc bang nhau.
3)  Ti dién déu: Hinh hinh chop c6 bdn mat 1a tam giac déu.
Pudng cao la duwdng ké tir dinh qua tim cia day.

Céu 1. Cho hinh chép tam giac déu S.4ABC c6 canh day bang @, dudng cao ciia hinh chop bang a3 . Tinh
thé tich khdi chop S.4BC .

Loi giai

2
Dién tich tam giac déu ABC 1a S . =%.AB.BC.sin ABC = %.a.a sin 60" =2 f .
2 3
Thé tich khéi chép S.4BC 1a V = %.SH.SABC = %.aﬁ. a f = “7.
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Céu 2. Cho hinh chép tam giac déu S.4BC c6 dudng cao bang a2 . Goi H latrong tAm cua tam gidc ABC
, AH = a . Tinh thé tich khdi chép S.4BC .
Loi giai

Goi E 1a trung diém ciia BC.Khid6 AE L BC tai E.

Do H 1a trong tim ctia tam giac déu ABC nén AE = %AH = 3761 .
3a
. . . . AE 2
Xét tam gidc ABE vudngtai E: AB =— Q=—=ax/§:>BC=a\/§.
sin 60 \/§
2
2
Dién tich tam giac déu ABC la S e = %_BC_AE :%_a\@%a = 3a4\/§ .
2 3
Thé tich khdi chép S.4BC 1a ¥V =§.AH.SABC = %.a\/i. 3“4‘/3 =2 f .
Céu 3. Thé tich khdi chop tam giac déu S.4BC c6 canh day bang a , canh bén bang 3a .

Loi giai

Goi H la trong tdm cua tam giac ABC = SH 1 (ABC). Khi d6 ¥ =% SH. S, s (do khéi chop

S.ABC déu).

2
Taco AH=§.&=¥:SH:JSA2—AH2 :% S X

2 4
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1 av26 &*V3 V26
Suyra V =—. . =
33 0 4 12
Céu 4. Cho hinh chop tir giac déu S.ABCD ¢6 canh day bang 20, canh bén bang 30. Tinh thé tich V' cua
khéi chop di cho.

(dvtt).

Loi giai

Trong mit phing ABCD, goi O = AC N BD, do hinh chdp S.ABCD 14 hinh chép ti giac déu nén
SO L(ABCD). Diy 1a hinh vudng canh 20 = 40 ==~ 102.

Trong tam giac vudng SAO c6 SO =+/S4° — AO* = 1047

Thé tich V' ctia khéi chop trén [a V7 = %SO.S _ 1 1047.400 = 4000V7

ABCD — 3 3

Céu 5. Cho hinh chép tam gise déu S.ABC co canh ddy bing a, canh bén bing a+/2 . Tinh thé tich khdi
chop S.4BC .
Loi giai

Goi E 1a trung diém cua BC (1) va H latrong tdm tam gidc ABC. Khi d6 SH J_(ABC) tai H .
Do (1) nén AE L BC tai E.
Xét tam gidc ABE vudng tai E:

a\/§ 2 2 a\/g a\/§

AE = AB.sin ABE = a.sin60° =2 — g =2 yp =2 N2 _ N2
2 3 372 3

av15

Xét tam gidc SAH vudngtai H: SH =~/SA> — AH* = —

Dién tich tam giac déu ABC 1a S . = %.AB.BC. sin ABC = %.a.a.sin 60" =

a’\3
T
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1 1 ax/g azx/g_cf\/g

Thé tich khéi chép S.ABC 1a V =—.SH.S ,. =—.
3 373 7 4 12

Cau 6. Cho hinh chop tam gidc déu S.ABC c6 canh day bang a , gbc giita mit phang (SBC) va mit phang

(ABC) 1a 45°. Tinh thé tich khdi chop S.4BC.

Loi giai

Goi E la trung diém cua BC va H la trong tAm tam gidc ABC.Khi d6 SH L (ABC) tai H va
AE 1 BC tai E.
Tacd SE L BC tai E (do tam giac SBC céantai S).
(SBC)N(A4BC)=BC
Taco {SE L BC, SE (SBC) = ((SBC),(ABC))=(SE, AE)=SEA=45".
AE 1 BC, AE = (4BC)

a\/§ 1 a\/§ .

Xét tam gidc ABE vudng tai E: AE = AB.sin ABE = a.sin60° = == HE =2 AE ==

a3 a3

Xét tam giac SHE vudngtai H: SH = HE.tan SEA =T.tan45° =T.

a’\3
T

Dién tich tam gidc déu ABC 1a S, = %.AB.BC. sin ABC = %.a.a.sin 60° =

2 3
Thé tich khéi chop S.ABC 1a ¥ =~ SH.S = a3 a3 _a
3 3 6 4 24
Cau 7. Tinh thé tich khdi chop tir giac déu S.4BCD c6 canh day bang a va goc giita mat bén va mat phang
chura da giac ddy bang 60° ?

Loi giai
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Vi S.4ABCD 1a hinh chép déu nén ABCD 14 hinh vudng, goi O1a tim ctia hinh vudéng 4BCD thi ta
cd SO la duong cao cua hinh chép S.ABCD.
Dién tich ddy ABCD 1a S, =a.a=a’.
Goi I 1a trung diém ctia BCthitacd OI L BCva SI L BC nén goc gitra mit bén (SBC) va miat day
(ABCD) 1a goc SIO = 60°.

a\3

T do: S0=01.tan5?0:7.

3
Thé tich khéi chop Vs ypcp = % "f @t =2 f .

Céu 8. Cho hinh chép tam giac déu S.4BC c6 chiéu cao bang 2a, SBA = 45° . Tinh thé tich khéi chop S.4ABC

Loi giai

B
Goi H la trong tam tam gidc ABC va D la trung diém canh AB.XKhi d6 SH L (ABC) tai H .

Tam giac ABC déunén CD L AB tai D, tam giac SAB cantai S nén SD L AB tai D.

Xét tam gidc SBD vudng tai D: SD = BD.tan SBD = BD.tan 45 = BD .
Xét tam giac CDB vuong tai D :

CD = BD.tan CBD = BD.tan 60° = BD~/3 = DH =%CD= BD3‘/§ .

Xét tam gidc SDH vudng tai H :

2

SH? + DH? = SD* < 4a* + 22~ BD? = BD = a6 = 4B =2BD = 246 .
Dién tich tam giac déu ABC 1a S, = %.AB.BC. sin ABC = %.m%.za\/asm 60° = 6:/3a”.

Thé tich khéi chop S.4BC 1a V = %.SH.SABC = %.2a.6\/§a2 =434’ .
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Ciu 9. Cho hinh chép tam giac déu S.ABC c6 goc giita mat phang (SAB) va mat ddy bang 30°. Khoang
cach tir chan duong cao cia hinh chép dén mat phing (SAB) bang . Tinh thé tich khéi chop
S.ABC

Loi giai

Goi H la trong tAm tam gidc ABC va D la trung diém ciia canh 4B . Khi d6 SH L (ABC ) tai H
. Do tam giac ABC déunén CD L AB tai D, tam giac SAB cantai S nén SD | AB tai D.Taco
(SAB) m(ABC) =AB
SD 1 AB,SD < (SAB) = ((S4B),(A4BC))=(SD,CD)=SDC =30
CD 1 AB,CD c (ABC)
Trong tam giac SDH , dung HK L SD tai K.

AB 1 .SD
aco = AB 1 (SCD) ma HK < (SCD) nén HK L AB.
AB 1. DC

HK 1 SD, HK 1 AB
Tacd <SDNAB=D = HK L (SAB) tai K =d(H,(S4B))=HK =a.
SD, AB c (SAB)
HK  HK
sinSDC sin30°

Xét tam gidc DHK vudngtai K: DH = =2a=DC=3DH =6a.

Xét tam giac BCD vuodngtai D: BC = DE\ = '6a - =4a/3 .
sin ABC ~ sin60

Xét tam giac SDH vudngtai H: SH = DH .tan SDC = 2a.tan 30° = 2—a.

V3
Dién tich tam gidc ddu ABC 1a S, = %.AB.BC. sin ABC = %.461@ 4a3.5in 60" =12a°+/3 .

1

Thé tich khdi chép S.ABC 1a V =—.SH.S, ;. = 126 e 3-8a.
3 33
A \ . ., A L AA qa: \ N A s LA N a2\/39
Cau 10. Cho hinh chép tam giac déu S.ABC c¢6 d6 dai duong cao bang a, dién tich mat bén bang o

Thé tich cta khéi chop di cho bang.
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Goi H 1a tAm cta tam giac déu ABC.
Khi d6 SH L(ABC), SH =a.

Pit BC = x Khi do HMz%AMz%
\/7 2
Xét ASHM vudng tai H CO SM =~SH> + HM* = |a’ +(%J )
2
aZ\/E 1 1 x\/§ a2\/§
SASBC=T=EBC.SM=E.X. Clz“r‘ T :>x=a:>SAABC=T
% 1 (VAN IANE]
Thé tich VS.ABCZESH'SAABczga' 2 = o

Céu 11. Cho hinh chép tir giac déu S.ABCD ¢6 canh day bang a , goc gilra canh bén va mat phang ddy bang

60° . Tinh thé tich khdi chop S.4BCD .
Loi giai

Goi O= AC~BD = SO 1 (ABCD) va SBO=60°

o2 q

Duong cao SO =OB.tan 60° === tan 60° = aND 5

1 1 a\/gaz_cfx%

2
Sipep =4 = Vsasco ZESO'SABCD :g' 5 6
Cau 12. Tinh thé tich khdi chop tir gidc déu S.4BCD c6 canh day bang a va goc ¢ dinh clia mit bén bang
60°?

Loi giai

Page 44



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Vi S.4ABCD 1a hinh chép déu nén ABCD 14 hinh vudng, goi O1a tAm cta hinh vuéng ABCD thi ta
c6 SO la duong cao cua hinh choép S.4BCD .

Dién tich ddy ABCD 1a S ., =a’

Vi BSC =60 nén tam gidc SBC déu SB =a viy canh bén cua hinh chop 13 «
Ta c6: BD = a~/2 nén tam giac SBD la tam gidc vudng can dinh §.

a2

Puong cao SO = —

1aﬁa2 _a3x/5

Thé tich khéi chop Vs zcp = 35 -

Céu 13. Cho hinh chép tam giac déu S.ABC c6 canh 4B bang a . Cac canh bén SA, SB, SC cung tao véi

miat day mot goc 60 . Goi D 1a giao diém cta SA véi miat phing qua BC va vudng goc véi SA
. Tinh thé tich V' cuaa khéi chop S.BCD?
Loi giai

Goi O 1a tam duong tron ngoai tiép tam gidc ABC va M 1a trung diém BC.
Vi S.ABC 1a chép tam giac déu nén SO L (4BC).
BC L SM

= BC L (SAM )= BC L. 54.
1AM

Ké BD 1 S4 tai D.Tacé{

SA L BD
+) — SA L (BCD).
SA L BC
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+) Trong ASAO:tan@:tan60° 2%350:140-'[%60" =§-\/_=a

40 a3 1 2a\3

+) Trong ASAO: cos SAO = cos60’ = i S4 = :

3 72 3
2 2 2
+) Trong ASAC:: cos ASC =24 +5C" =4C7 5.
284-SC 8
+) Trong ASDC: SD = SC-cos ASC =4 |
43
1 1 azx/g a3\/§
1) VS.ABCZE'SAABc-SOZEa’ 4 = o
Sa\/§
Visen SD 12 5 5 @3 53
+)—=—= :_:VSBCD:_' = .
Ve se SA 2a3 8 ’ 8 12 96
3
5a2\/§

Vay thé tich khéi chép S.BCD 1a T
Céu 14. Cho hinh chép tir giac déu S.ABCD c¢6 canh ddy bang a . Khoang cach tir trong tim G cia tam giac

SAC  dén mit phing (SBC) bing # . Tinh thé tich khbi chép S.ABCD .

Loi giai

Goi O latam cua hinh vudng ABCD.
Do hinh chép S.ABCD 1a hinh chép tir gidc déu nén SO L (4BCD).

d(G,(SBC
Taco MZEZE. Suy ra d(O,(SBC)):é_a\/g _ a\/g.
d(0,(SBC)) SO 3 279 5
Goi E la trung diém cua canh BC = OF 1 BC.
Ké OH 1 SE,(H € SE)(1).
BC 1 OF

BC 1 50O

}:BCL(SOE):BCLOH@).

a6
=t

Tir (1) va (2) suyra OH L (SBC)=> OH =d(0,(SBC)) =
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| 1 1 1 1 1 1 | 2 a2
SE ot > = S = > s=— =>80= .
OH SO OF SO OH OF a\/g a a 2
6 2
1 1 aﬁ a3\/§
Vs ascp ZESO‘SABCD =7 2 a = 6

Céu 15. Cho hinh chép déu S.4BC c6 day 1a tam giac déu canh a . Goi M, N lan luot 13 trung diém cua
SB, SC . Biét (AMN) L (SBC) . Tinh thé tich khdi chop S.ABC .

Loi giai

Goi E 1a trung diém MN, K 1a trung diém BC, H 13 tim dudng tron ngoai tiép tam gidc ABC.
Taco: S,E,K thang hang va A, H,K thang hang.
Ta co: ASAB=ASAC = AM = AN = tam gidc AMN cantai 4 = AE 1 MN

(AMN) L (SBC)

(AMN)N(SBC)=MN

Ta co: = AE 1 (SBC)
AE 1L MN

AE < (AMN)

= AE 1 SK
Ta co: g—i = i—j\; = 1 = E latrung diém SK = tam gidc SAK céntai 4

:AS:AK:%
2 2 2
Taco: SH =~/SA* - AH’ = 3Z e :a\/ﬁ’ SAABC:M

9 6 4

1 a3\/§

Suy ra: Vs zc =§SH.SAABC = 4
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN

DANG 4: THE TiCH KHOI LANG TRU PUNG - PEU
PHUONG PHAP GIAI (KIEN THUC CAN NHO)
+ Hinh lang tru ding: La hinh lang tru c6 cac canh bén vudng goc véi day. Nhu vay cac mat bén
cua lang tru ding 1a hinh chir nhat.

A ' )
Chiéu cao cua hinh lang tru dung chinh 1a canh
- bén cua hinh lang tru dung.
Ving s = Sagy X chi€u cao

B

A D'
-_.___._._..-—d ( !

BJ‘
L S 79

B

+ Hinh ling tru déu: La hinh ling tru dimg c6 day 1a da gidc déu. Nhu vy cac mit bén cua hinh
chir nhéit 1a cac hinh chir nhat bﬁng nhau.

Chii y. Hinh ling tru tir gidc déu 1a mot hinh hop dimg dic biét co6 day 1a hinh vudng. Hinh hop
dung thi chi can day 13 hinh binh hanh cht chua 13 hinh vudng.

Hinh ling try déu thi hién nhién 13 hinh lang tru dtng.

+ Hinh hgp dirng: La hinh lang tru dimg c6 day 1a hinh binh hanh.
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B
| Chiéu cao cua hinh hop dung chinh 1a canh bén
: cua hinh hop.
\ ! c — 18
D : ang = Sdé}, x chiéu cao
1
1
1
|
A 1
| ol -~ 7B
f.i'
!
/
/
D

C
+ Hinh h¢p chir nhat: La hinh hdp dimg c6 day la hinh chir nhat.

Hinh hop chitr nhat c6 chi€u dai, chi€u rong,
chiéu cao lan luot 1a a,b,c co

|
|
|
| C
|
|
|

V =abc

’ b

(L
+ Hinh 1ap phwong: La hinh ling tru dimg c6 day 13 hinh vudng va cac mit bén déu 1 hinh vuoéng
( hay 14 hinh hop chir nhat c6 ba kich thuéc bang nhau)

Hinh 1ap phuong c¢6 canh bang a ¢6

V=a’

PHAN 1: LANG TRU TAM GIAC
Céu 1. Cho ling tru déu ABC.A'B'C" ¢6 canh day bang 2a, d6 dai canh bén bang a~/3 . Tinh thé tich V cia
khéi ling tru.
Loi giai
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A

av's

A

C

. . 3
Thé tich cta khoi lang try: V' =S, ,..44" = (261)2 .T.a\B =3a’.

3

Chu y: Dién tich ciia tam giac déu canh x 1a 1

Cau 2. Cho khéi ling tru ding ABC.A'B'C' c¢6 BB =a+/3, diy ABC 1a tam gidc can tai 4 c6
AB = AC =2a, BAC =120°. Thé tich khéi lang tru ABC.A'B'C' 1a

Loi giai
A
! 2a
20"
B : C
:
av's :
m
c""'h“’
B - == = (—u
1 NE)

1
Taco Syye =—-AB.AC.sin BAC =—2a.2a.~~ = a*3 .

Do d6 thé tich khdi lang tru da cho 1a V = a’/3.a3/3 =34’ .
Cau 3. Cho lang try dung ABC.A'B'C’ c6 ddy ABC 1a tam giac vudng tai A va AB=a, AC= a~/3 , mit
phing (A'BC) tao véi day mot goc 30° . Thé tich ciia khéi ling tru ABC.A'B'C’ bing

Loi giai
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A’ C'

H
B

BC 1 AH

= BC L(AA'H)= BC L A'H nén
CLad

Goi AH 1a dudng cao cua tam giac ABC, ta c6 {
goc gitra mat phang (A’BC) va mat phang (ABC) la goc AHA =30°.

Ta c6

12: 12+ 12:L+ 1 4:>AH:aﬁ-
AH®- AB° AC 2

@ (a @)ZZF
AA' a3 1

tan30" = 2 = A4'= AH tan30" =22 _ &
AH 2 '3 2
] ] a3
SAABCZE.AB.AC:?a.a\/_ ==
, , a azx/g an/g
Do do VABC.A’B@:AA-SAABC=5~ > T

CAau 4. Cho hinh lang try dung tam giac ABC.A'B'C' ¢6 day ABC la tam giac vudng tai 4 va AB=AC=a
. Biét goc giira hai duong thing AC' va BA' bang 60°. Tinh thé tich khi ling tru ABC.4'B'C’ theo

a .
Loi gidi
A c
N
~N
~
~
~N
~
~
~
~N
~N
~N
o _1__ ~Je
A’ \\\\ -7
~ -
-~ - —
- "0 ~ <
- ~
- =~ ~
\\
B’ D

Goi D la dinh thr tu ctia hinh binh hanh 4'B'DC"'. Vi tam giac ABC vudng can tai 4 nén
A'B'DC" 1a hinh vudng.
Khi d6 goc gitta AC' va BA' bang goc giita BA' va BD va bang 60°.
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+ Truong hop 1: Goc A'BD = 60°.

Goi O la tdm cua hinh vuéong 4'B'DC".

Taco A'D=24'0=B'C'=a"2.

Tam gidc 4'BD c6 A'B=~AB”+BB” =\ DB+ BB = BD nén A4'BD can tai B.
Do A'BD =60° nén tam gidc AA'BD déusuyra A'B=A'D = a2

Tu d6 tinh duoc BB=+vA'B* - A'B” =a.

3
a

Thé tich lang tru 1a V = BB'.S ;. = ER

+ Truong hop 2: Goc A'BD =120°.
Lap luan nhu trudng hop 1 ta ciing cd A4'BD can tai B. Do d6 BO 1a tia phan giac ciing dong
thoi 1a duong cao.
a2
40 7 a6 a2
= = <

tan60" 3 6 2
giac vuong BB'O.

Tinh dugc BO = = B'O 1a diéu vo 1y vi BO 1a canh huyén trong tam
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DANG 5: THE TiCH KHOI LANG TRU XIEN
LOAI 1. TINH THE TiCH LANG TRU XIEN BANG CACH XAC PINH CHIEU CAO VA DIEN
TiCH PAY

PI-!UO’NG PHAP GIAI (KIEN THU'C CAN NHO): Chiéu cao ciia lang tru b&‘ng khodng cach tir mot
diém thujc mat day nay dén mat day kia. Thong thuwong ta xdac dinh chiéu cao bang cach tim hinh chiéu
vuong goc cua mot dinh lén mdt day con lgi roi tinh khodang cdach giita hai diém do.
av'10

4
goc ciia C' 1én mit phang (ABC) tring véi trung diém M cua doan thing 4B . Tinh theo a thé
tich V' ctia khéi ling tru 4BC.A'B'C’ .

Céu 1. Cho hinh ling tru ABC.A'B'C' ¢4 ACB=135°, CC' = , AC =a~J2, BC = a . Hinh chiéu vuong

Loi giai

. . 1 .
Dién tich tam giac ABC la S, = ECA.CB.sm ACB = % .
Trong tam giac ABC tacd

AB? = CA* + CB* =2CA.CB.cos ACB = 24> +a* — 2.a\/§.a.[—gJ —54°.

Theo cong thirc tinh d6 dai duong trung tuyén thi

, 2(CA4*+CB*)-4B* 2(2d°+d*)-54"

CM? = a
4 4 4
2 2
Tam gidc C'CM vudng tai M nén C'M =~/CC” —CM> = I?Z —% - “*f.
, . a’ a6 a’\6
Vay thé tich khoi lang truy ABC.A'B'C' la V=S ,.C'M =S T4 T g

—_— 7 r
CAu 2. Cho hinh hop ABCD.A'B'C'D’ ¢b day ABCD la hinh thoi canh a, BCD =120°, A4’ :Ta' Biét

rang hinh chiéu vuéng goc cia 4’ 1én miat phing (ABCD) trung véi giao diém ctia AC va BD.
Tinh theo a thé tich ¥ ctia khéi hop.
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Loi giai

Dién tich hinh thoi 4BCD 1a S,,., = CB.CD.sin BCD =

a’\3
S

Goi H 1a giao diém ciia AC va BD.
Hinh thoi ABCD c¢6 BCD =120° nén ABC =60°. Suyra ABC la tam gidc déu.

Dodo, AH=L4c=2.
2 2

2 2
Tam giac AHA' vuong tai H nén A'H =~ AA” - AH® = (7761) —(%) =a2 3.
_a\3

Vay thé tich cia khdi hop 1a V' =S ., .A'H = : a2\3=3a".

Ciu 3. Cho lang tru tam giac ABC.A'B'C' c6 day 1a tam giac déu canh a. DO dai canh bén bang 4a. Mait
phang (BCC'B') vuéng goc véi day va B'BC =30°. Tinh thé tich khéi lang tru da cho.

Loi giai

B’

a’\3

Dién tich tam gidc ABC 1a S, =
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Goi H l1a hinh chiéu cia B’ trén BC. Tir gid thiét suy ra B'H 1 (ABC).

Dién tich tam gi4c BB'C 14 S, = %BB’.BC. sin B'BC = %4a.a.sin30° =a’.

2
Mit khéc S, =~ B'H.BC = B'H = 22mc _ 2% _ 5,
2 BC a
2 3
Thé tich khéi ling tra ABC.A'B'C' 1a V =B'H.S ;. =2a.> f =2 f .

Cau 4. Cho hinh lang try ABC.A'B'C’ ¢6 day la tam giac vudng can dinh 4, AB=a, AA'=2a hinh chiéu
vuodng goc ciia A" 1én mit phing (ABC ) 1a trung diém H cta canh BC . Tinh thé tich ciia khéi ling
tru ABC.A'B'C' theo a.
Loi giai
A’ c'

B
2

1
Dién tich tam gide ABC 1 S 5 = AB.AC = "7

1 ax/i
Vi tam gidc ABC vudng candinh 4 c6 AB=a nén BC=av2 AH=53C= 5,
2
Tam gidc AA'H vuongtai H nén A'H =~ AA” — AH? = |4d° —2% = ‘“éﬁ.
a4 a4

2
. . , a
Vay thé tich khoi ling tru V zc yper =S 5 A H = - 2

Cau 5. Cho lang truy ABCD.A'B'C'D' c6 day ABCD 1a hinh thoi canh a, Z?c =120°, AA'=a. Biét rr:ing
hinh chiéu vudng géc ctia A’ 1én mit phing (ABCD) la trong tm ciia tam gidc ABD. Tinh theo a
thé tich ¥ ciia khdi hop

Loi giai

a’\3

Dién tich hinh thoi A4BCD 1a S, = BA.BC.sin ABC =
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Goi O la tdm hinh thoi ABCD va G la trong tdm cua tam gidc ABD.

Hinh thoi ABCD c6 ABC =120° nén BAD =60°. Suyra ABD la tam giac déu.

Do do, 4G=240=2.033 _a¥3
3 3 2 3
2
Tam gidc AGA' vudngtai G nén A'G =~ AA” - AG’* = |a’ —[afJ = a;/g.

_a2 3.61\/6_613\/5

2 3 2

Vay thé tich caakhéihopla V' =S ,.,.4'G

Ciu 6. Cho Cho lang tru ABC.A'B'C' ¢6 day ABC la tam gidc vudng tai A4, ABC =30°. Piém M la trung
diém canh 4B, tam giac MA'C déu canh Za\/g va nam trong mit phang vudng goc voi day. Tinh
thé tich khéi lang try ABC.4'B'C'.

Goi H la trung diém cua MC .
A'H 1 MC

Taco §(A4'MC) L(A4BC) = A'H 1 (4BC).
(A'MC)N(A4BC)=MC

MC =2a+3

Tam gidc MA'C déu canh 2a\3 =
A'H =3a

BC=2x
AB=x3

bat AC=x>0, tam giac ABC vuodng tai 4 co ABC =30° :>{

Ap dung cong thie tinh d6 dai trung tuyén ta c6

2 2 2 2 2 2
cuy2  CAHCE AR o XA 3 x=4a«/§.
2 4 2 4 J7
2
Suyra S, =%AB.AC :%.1%2.43%/5 = 24"7‘/3.
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, , 724’ \/5
Do dé Vipcapc = A H‘SABC = 7 -

LOAI 2. TINH THE TiCH LANG TRU XIEN KHI BIET CAC YEU TO GOC, KHOANG CACH

PHUONG PHAP GIAI (KIEN THUC CAN NHO): Sir dung gid thiét vé géc, khodng cich dé xdic dinh

chiéu cao va dién tich day cua lang tru.

Cau 1. Cho hinh lang try ABC.A'B'C" ¢6 day ABC latam giac vudng tai B, ACB = 60°, BC=a, AA =2a
. Canh bén tao v6i mat phing (ABC) mét goe 30°. Tinh thé tich khéi lang tru ABC.A'B'C’ .

Loi giai

Tam giac 4BC vudng tai B nén tan 60° = ;—g — AB=BCA3=a3.

1 az.\/g

Dién tich déy 12 § ,,c == ABBC ===

Goi H 1a hinh chiéu cia 4’ 1én mit phang (ABC) . Géc giita canh bén 44" va day 1a AAH =30°

Trong tam giac vuong A'HA tacd A'H = AA'.sin30° = 2a% =a..

2 3
Thé tich khéi lang tru 1a ¥V = A'H.S . = a.2 2*/5 =4 2\/3 .
Céau 2. Cho khdi lang tru tam gidc 4BC.A'B'C’ ¢6 day 1a tam giac déu canh a , diém 4’ cach déu ba diém A4

, B, C,canhbén AA' tao voi mat diy mot goc 60°. Tinh thé tich cta khéi lang tru.

Loi giai
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A’ C’

Dién tich tam giac déu ABC 1a S e =———

Goi M 1a trung diém cta BC va G 1a trong tim cia tam gidc déu ABC .

Vi A'4=A'B=A'C nén 4'G L (4BC).

Khi do, goc giita canh bén 44" va mat day la AAG =60° .

Ta tinh duge 4G =2 A =293 _ 9B 16 4G uan 7463 .5 —a.
3 3 2 3 3
A 2 . , As 1= St 1N , a3\/§
Vay thé tich cua khoi lang try ABC.A'B'C'1aV =S8 ,,..4G = 1

Cau 3. Cho hinh lang tru ABC.A'B'C' ¢c6 day ABC la tam giac vudng tai 4, canh BC =2a va ABC = 60° .
Biét tir gidc BCC'B’ 1a hinh thoi c6 B'BC nhon. Biét (BCC'B') vudng goc v6i (ABC) va (ABB'A')
tao v6i (ABC) goc 45°. Tinh thé tich khoi lang try ABC.A'B'C’ .

Loi gidi
B’ C’
2a
B c
5
<>
A
2
Tacd AB=BC.sin30° =a=AC=a3, S ,. = %AB.AC =2 f
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Ké B'H L BC, H € BC. Taco (BCC'B') L(ABC) nén B'H 1L (ABC).
(4BB'A")N(ABC)= 4B

. |4B 1L B'H ,
Ké HK | AB, K € AB. Taco = B'K 1 AB.

AB 1 HK

Do d6 goc gitra (ABB’A') va (ABC) bang géc gilta B'K va HK bing B'KH = 45",

/
Tacé B'H = HK, BH:H—K BH—ZHK 2BH
sin 60° NE) \/—
4B'H? 2a\3

BB = B'H?* + HB* = 44> = B'H* + = B'H =

V7
, . 203 >3 34
Thé tich khoi ling tru ABC.A'B'C' 1aV,, . ,..=BHS, . = : =——.
ABC.A'B'C ABC \/7 2 ﬁ
Céu 4. Cho hinh ling try 4BC.A'B'C’ ¢6 day la tam gidc déu canh a . Hinh chiéu vuong goc ciia diém 4’ 1én
mit phing (ABC) trung v6i trong tdm tam gidc ABC . Biét khoang cach giira hai duong 44’ va BC

. 3 . ‘.
bang % . Tinh thé tich V' cua khoi lang tru ABC.A'B'C".

Loi giai

Goi M la trung diém cua BC va G 1a trong tAm tam giac ABC.
DE thdy AM L BC, A'G L BC = BC L(A'AM).

Goi H 1a hinh chiéu cia M 1én A4'.

. . : 3
Tur d6 suy ra khoang cach gitra hai duong 44’ va BC bang MH = %.
Piat A4'G = x, ta tinh dugc AM=— AA=AG + AG* =[x +?
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Taco AGAM = HU A'4= x ai—aé +?<:>x=%.
Cl az\/— 03\/§

Thé tich ¥ cua khéi lang try ABC.A'B'C' 1a V =A'G.S ;. =

Céu 5. Cho hinh ling try tam gidic ABC.A'B'C’ ¢6 day la tam gidc déu canha, goc giita hai mat phang
(A'BC)va (ABC) bing 60°, A'A= A'B= A'C. Tinh thé tich cia khdi lang tru ABC.A'B'C".
Loi gidi

Dién tich tam giac déu ABC 1a S, =

a’\3
—

Goi M 1a trung diém cua BC va G la trong tAm cia tam giac déu ABC .
Vi A'd=A'B=A'C nén 4'G L(4BC).

Két hop véi (4'BC)n(ABC)=BC, GM LBC suy ra goc gita (A'BC) va (ABC) la

A'MG =60°.
Ta tinh duoc MG=%AM =%~#=¥ va A'G:MGtanA'MG=$~\@=%.

Vay thé tich cta khéi lang tru A4BC.A'B'C' 1aV =S ,,..AG=

a*\3
e

Cau 6. Cho hinh hop ABCD.A'B'C'D' c6 ddy ABCD 1a hinh thoi canh a3 , BD =3a. Hinh chiéu vuong
goc cua B 1én médt phang (4'B'C'D’) 1a trung diém cua A'C’. Biét rang cdsin cia goéc tao boi hai

mit phang (ABCD) va (CDD'C") béng @ Tinh theo a thé tich khdi hop ABCD.A'B'C'D' .

Loi giai
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D

Ap dung dinh 1y cbsin cho tam gidc A'B'D' suy ra BA'D' =120°. Do d6 A'B'C', A'C'D' 1a cac tam
giac déu canh a 3.
Goi O=A4'C'nB'D',taco BO L(A'B'C'D').

Ké OH L A'B' tai H, suyra A'B' L(BHO). Do d6 ((m)) — BHO.

Tu cosBH/\O = @ = tanBH/\O = i
7 NE)
s BO = HO.tan BHO = A'O.sin 60°. 2 = aﬁ.
B2
a\/g 94°

Vé’y VABCD.A'B’C’D’ = T.a 3.0\/§.Sin 600 = T

Céu 7. Cho hinh hép ABCD.A'B'C'D' ¢6 A'B vudng gbc v6i mit phang ddy(ABCD), goc ctia A4’ voi

(ABCD) bang 45° Khodng cach tr 4 dén cac dudng thang BB'va DD’ bang 1. Géc clia mit
(BB'C'C) va mit phang (CC'D'D) bang 60° .Tinh thé tich khdi hop da cho.
Loi gidi

Tacé A'B L (ABCD)= A'AB 1a gbc giita A4’ va mit phing (ABCD). Suy ra AAB =45°.
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Goi H,K lan luot 14 hinh chiéu vudng goc ctia A' 1én duong thang BB' va DD'. Khi do,
AH=AK=1va A4' | (A'HK).
Hinh binh hinh ABB'A’ ¢6 A'B | AB va A'AB = 45° nén cic tam gidc A'AB vi A'BB' 14 cic tam
gidc vudbng can tai B va A'. Tird6 suyra H la trung diém ctia BB’ va
AH=1=BB' =2AH=2
Vi ABCD.A'B'C’'D' 1a hinh hop nén goc gitta hai mit phing (BCC'B') va (CDD'C') bing goc giira
hai mit phing (ABB'A’) va (ADD'A’). Suy ra goc gitta A'H va A'K bing 60°.

Vay HA'K =60° hogc HA'K =120°. S, = %A’H - A'K sin HAK = g
Tudosuyra V), gy = AA'S o =2 ? = 73 .

Vi ABCD.A'B'C'D' 13 hinh hop nén V., vscmr = 2V sop any =3 -
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LOAI 3. TINH THE TiCH LANG TRU (TAM GIAC) GIAN TIEP QUA THE TiCH KHOI CHOP
PHUONG PHAP GIAI (KIEN THU'C CAN NHO):
Goi V' la thé tich cua khoi lang try tam gidc 4ABC.A'B'C’. Khi do,

. / A’ 4
e Thétichkhdichép A"ABC AV, ,. = %V. :

. Thé tich khéi chop A'.B'C'CB 13V, yocp =§V :

3
. Thé tich khéi tir dién déu canh a 1a ¥ =& V2 .

B
Céu 1. Cho ling tru ABC.A'B'C". Biét dién tich mat bén ABB'A’ bang 15, khoang cach tir C dén mat phing
(ABB'A') bang 6. Tinh thé tich khéi ling try ABC.A'B'C",

Loi giai
A’ C!
B'
A C
B
Goi V' 1a thé tich khdi lang tru ABC.A'B'C’.

Thé tich khéi chop C.ABB'A' 1a V., = %SABB,A,.d(C,(ABB’A')) = % 15.6=30.

Thé tich khéi lan try ABC.A'B'C' 1a V = %VC.ABB,A, = % .30 =45.

Céu 2. Cho ling tru ABC.A'B'C' ¢c6 A'ABC 1a tir dién déu canh a . Tinh thé tich khéi lang try ABC.4'B'C’
Loi gidi
AAV

CV

Thé tich khdi tir dién déu canh a 14 V. = ——

3 3
Vay thé tich khdi lang try ABC.A'B'C' 1a V =3V, =3- “1‘2/5 =4 f .
Céu 3. Cho khéi hop ABCD.A'B'C'D' ¢6 tht ca cic canh bing a va cac goc A'AB = A'AD =120°, BAD = 60°
. Tinh thé tich ¥ cta khdi hop ABCD.A'B'C'D’ .
Loi giai
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Hinh binh hanh ABB'A’ c6 A'AB=120° nén AA'B' =60°. Suyra Ad' = AB' = A'B' =a.
Tuong tu, tam giac 4A'D" déunén AA'=AD'=A'D' =a.

Tam giac ABD cantai A ¢c6 BAD =60° nén BD=AB=AD=a—= B'D'=BD=a.

Do do, tir dién AA'B'D' 1a tir dién déu canh a.

3
Thé tich khéi tr dién déu A4'B'D' 14 V,,,, = —= 1\25 .
3 3
Vay thé tich khéi hop 13 V =2V ) 1y =237 gy =232 1‘2/5 =4 f .

DANG 6: THE TICH CAC KHOI PA DIEN KHAC
Céu 1. Cho hinh chép S.ABC ¢b AB=3a, AC =4a, BC=5a , SA=SB=SC =6a . Tinh thé tich khbi chop

S.ABC .
Loi giai
S

Vi AB =3a, AC =4a, BC =5a nén tam giac ABC vudngtai 4.
Goi A 1a hinh chiéu vudng goc ciia S 1én miat phang (ABC ) Vi §S4A=SB=SC nén H latam

duong tron ngoai tiép tam gidc ABC va chinh 1a trung diém cua BC.

_119a
>

25
Xét tam giac vudng SBH tacd SH =~/SB” —HB’ = \/36 P md

Dién tich tam giac ABC 1a S, . :%-AB AC =6a’.

Vay thé tich khéi chop S.4ABC 1a 5 6a> Y12 =a’J119.

VS .ABC
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Cau 2. Cho hinh chép S.ABCD c¢6 day 1a hinh thang vudng tai 4 va B. Hinh chiéu vudng goc cia S trén
mit day (ABCD) triung voi trung diém 4B . Biét AB=1, BC=2, BD = V10. Goéc giira hai mat

phing (SBD) va mit phiang day la 60°. Tinh thé tich ¥ cta khdi chop S.BCD.

Loi giai

Goi 7 la trung diém ctia 4B, G 1a chan dudng cao ké tir 4 xudng BD, H 14 trung diém BG .
Khi dé IH L BD = BD 1 (SHI). Vay gbc giita mat phing (SBD) va mit phing déy 1a goc SHI .
Tacd AD =~ BD*> - AB*> =3 .

1 1
= +
AG®  AB® AD’

Xét tam gidc vudng ABD cb

:AG:@:]H:@
10 20
:>SI:IH.tan60°:%.

Hon nita S, ., = %d (D,BC).BC = %AB.BC 1.

A 1 V30

Vay Vs pep = ES]‘SABCD = T

Céu 3. Cho hinh chop S.ABCD c¢6 day 1a hinh vudéng tim O canh bang . Hinh chiéu vudng goc cta dinh

S 1én mit phang (ABCD) la trung diém ciia canh OC. Géc giira mit phang (S4B) va mit phing
(ABCD) bang 60°. Tinh theo a thé tich V' cua hinh chép S.ABCD.

Loi giai
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Goi H 1a trung diém cua canh OC = SH L (ABCD).

AB | HP

Ké HP L AB (P e AB), tacé{ = AB 1 (SHP)= AB L SP.
AB 1 SH

Do 6 ((S4B);(4BCD)) = SPH = 60° = tan 60" :%:\@:SH:HP\B.

Xét mit phing (4BCD), ta cé

HP 1 AB
:HP//BC:E:A—H:ESHPZEBC:3_":>SH:3"\/5_
BC 1 AB BC A4AC 4 4 4 4
1 1 3a\/§ a3\/§
:VZESH'SABCD :g. 4 .a2 = 4 .

Cau 4. Cho hinh chop S.ABCD ¢6 day ABCD 1a hinh binh hanh. Goi M 14 trung diém cua SB, N 1a diém
thuéc canh SC sao cho SN =2CN , P la diém thudc canh SD sao cho SP=3DP . Mit phing
(MNP) cit SA tai Q. Biét khdi chop S.MNPQ cb thé tich bang 1. Tinh thé tich khéi da dién
ABCD.QMNP .

Goi O=ACNBD ; I=SONPM ;Q=INNSA .
SO SM SN 2 SP 3

Ta co: a+c:b+d:>a:%.

Vssweo _a+b+c+d 5 v _22

dabcd 22 §-ABCD

Ta co:
S.BCDA
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. 17
Vay VABCD.QMNP =Vs apep — VS.MNPQ = ? .
Cau 5. Cho hinh 1ap phuong ABCD.A'B'C'D’ canh bang 1. Goi M 1a trung diém canh BB’. Mit phing
(MA'D) cat canh BC tai K . Tinh thé tich ctia khéi da dién 4'B'C'D'MKCD .

Loi giai

1+l .1
(A'A+MB).AB_( 2) 3

S s = ==
A'MBA 2 2 4
R 1 13 1
Nén VD.A'ABM :E.SA,MBA.ADZE.Z.IZZ
* D& thay Vo _ BM,BK =l_l=l
Voews BB BC 22 4
1 11 111 , 111 1
Suy ra VB.MKD :ZVB.CB'D :Zg SDBC'BB :ZEEDCBCBB :Zgglllzﬂ
1117

*Vay Vipcpamer =1V arasu =Virwnp = I_Z 24 24

Céu 6. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a . Goi O 1a tim hinh vuéng ABCD. S 1a diém
dbi xtimg voi O qua CD'. Tinh thé tich khéi da dién ABCDSA'B'C'D'" .

Loi giai
A’ ok
I | ey i
T |
1 F
1 L
| 1
| "‘ 1
|
i / i ,
I 5
1 ;T
1 rrf-"
: g/
Al -1
= === = == =
- ~egZ=—H D
=== 0 ==
B C
3 1

+§.SCDD,C,.d(S;(CDD'C’))

Viscosewer =Vasep apcn +Vs.cope =4
=a’ +§.a2.d(0;(CDD'C')) =a’ +§.a2% (A;(CDD’C')) =a +§.a2% = %cf )

Céu 7. Cho hinh hop ABCD.A'B'C'D' ¢6 thé tich bang V . Goi M,N,P,Q,E,F 1an lugt 1a tAm cac hinh binh
hanh ABCD, A'B'C'D', ABB'A’, BCC'B',CDD'C’, DAA'D' . Tinh thé tich khéi da dién c6 cac dinh
M,P,0,E,F,N .
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Goi V; 1a thé tich khdi da dién c6 cac dinh M,P,Q,E,F,N .
Goi S,k lan luot 1a dién tich day va chiéu cao cta hinh hép ABCD.A'B'C'D'" .
Tacd: Spypr = %PE.QF.sin (PE,QF )= %AB.BC. sin(AB,BC) = % :

1 1S, v
Suyra V, = ESPQEF.I:d (M,(PQEF))+d (N,(PQEF))|= 3=
Cau 8. Cho khéi tir dién 4BCD c6 thé tich V . Goi V' 1a thé tich ctiia khdi tm mat c6 cac dinh 1 trung diém

, vV
cac canh cua khoi tor dién ABCD. Tinh ti s6 v

V MNP _AM AN AP _1
Vv AB AC AD 8

V

Suy ra Y 4 MNP =g

Taco:

Tuong ty, ta c6 V =V = _r
Uong W, 1 ¢o Vp pso ="C.NORT'D.PSR TR
Twr d6 suy ra V’=K.NénK:1.

2 Vo2

Céu 9. Cho khéi chop tir giac déu S.ABCD, c¢6 ddy ABCD la hinh vudng canh bang @ tdm O; canh bén

bang a\/g. Goi M 1a trung diém cua CD, H 1a diém d6i ximg cuia O qua SM . Tinh thé tich khi
da dién ABCDSH .
Loi giai
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Khéi da dién ABCDSH duoc chia thanh hai khbi chép S.ABCD va H.SCD.

1 [ e J10
® Vs iscp = 3 ~SO0.S8 5cp = ~O0B*.S e = Ta3-
® Vi H ladiém ddi xing cia O qua SM nén d(O, (SCD) ) (H,(SCD))

Suy ra: Vi sep =Vosep = %VS.ABCD = g‘f .

510

4

Cau 10. Cho hinh da dién nhu hinh v&, trong 6 ABCD.A'B'C’'D’ 1a hinh hop chit nhat véi AB = AD =2a,

Vay thé tich khbi da dién can tinh bang Vy ,cp + Vs scp =

AA'=a, S.ABCD 1a hinh chdp cé cac canh bén bang nhau va bang a+/3. Tinh thé tich cia khéi ti

dién SA'BD .
Loi giai
S
G
o av'3
, \
i, !
’ \
ol 1
,4'-5""-"." LT L e Y ¥ 2]
- : "."-._9__“.. L
A | om==" "5 _1I
- - e il
D .:"' " Pl A
e M- \
R P (R -
L 8 !
.&".‘ ‘-‘1“ 1\ B"
i "-"!-‘_ i
D.l' 2a AJ’

Goi O=ACNBD,I =SA4'"AC . Tathay V yup =Vs por + Vs oo -
Tinh duge DB =2v2a = OB=~2a vi SO=+SB?> —0B% —a—= A'A.
Suyra Ve ven=Vs ppr V4 .per =% s.par

, 1 )
Ta co SADBI_ZSABCD_a .
3
A 1 _2 2 2a
V&Y Vs w8p = s ppr =235apB1 %0 =34 4= 5

Céu 11. Cho khoi lang truy ABC.A'B'C" ¢¢ thé tich 1a v . Hai mit phang (ACB') va (BA'C’) chia khéi ling

try da cho thanh bdn phan. Tinh thé tich phan 16n nhat.
Loi giai
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AI Cl
BI
A C
B
Goi I =A'BNAB',J =B'CnB(C".
, 1 1 1
Tatinh duge Vpop o =3V Vp g =3 pgac =157
1 1 1
Suyra VABCJ] ZVA'B'C'JI ZEV_EV =ZV.
A 1 1 5

DANG 7: CAC BAI TOAN UNG DUNG THE TiCH TiNH DIEN TiCH, KHOANG CACH,...
PHUONG PHAP GIAI (KIEN THUC CAN NHO)
1. Cong thirc tinh thé tich

- Thé tich khdi chop: V = %B.h

- Thé tich khdi lang tru: V = B.h

- Thé tich khéi tir dién: V., = éAB.CD.d (4B,CD).sin( 4B,CD)

Trong dé: B: Dién tich ddy, h: Chiéu cao ha tir dinh t6i ddy tuwong ing.
2. Cong thirc tinh dién tich, khoang cach, goc dua vao thé tich

- Dién tich khéi da dién:

+ Khéi chép: B = %

+ Khéi ling tru: B :%

5 , \ A < R A A - 2 3chh0p V
- Khoang céach tir mot diém dén mot mat phang: o =——-

3. Khodng cach giita hai dudng thing chéo nhau: d(4B,CD)= 6'VABC?,\
AB.CD.sin(4B,CD)

DANG 7.1: UNG DUNG THE TiCH TINH KHOANG CACH TU PIEM PEN MAT PHANG

Cau 1. Cho hinh chép S.-ABCD ¢ day 1a hinh vudng canh a+/3 va thé tich bing «* . Tinh chiéu cao % cua
hinh chép da cho.

Loi giai
2

Dién tich mat day: S = (a\/g) =3a".

w3

S 3a®

Céu 2. Cho khéi chop S.-ABC co day 1a tam giac déu, SA L (ABC) va SA=a . Biét thé tich ciia khdi S.ABC

Ta co: Vz%S.h =h

bing /3a® . Tinh do dai canh day cua khéi chép S.4BC .
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Loi giai
S
q
A
AN C h
B B C
y ‘ L N A3
Tam giac ABC la tam giac déu canh x nén duong cao s = AB.sin 60° = xT.
3
Tacod Vs e :é.SA.SAABC =S e = 3V;23C = 33a =33a’.
a

3

:%.h.BC:%/gaz @%xT.x=3\/§a2 o x2=12a> < x=23a.

Cau 3. Cho hinh chép S.ABC c6 S4, SB, SC d6i mot vuong goc va SA=a, SB= a\/i, SA=a~/3 . Tinh
khoang cach tir S dén mit phang (A4BC).

Loi giai

B

a*\6

* Thé tich khdi chép: V = %SA.SB.SC =

6
« AB=/SA>+SB* =a3; AC =S4’ +SC* =2a; BC=+SB*+SC* =a+/5;

*JIl .. AB+AC+BC
* Suc =\[p(p=AB)(p=AC)(p=BC) == vei p=2ELELEE,
* Suy ra: d(S,(ABC)): 3V :a\/g_
SABC 11

Céau 4. Cho hinh chép tir gide S.ABCD c6 day 1a hinh vudng canh bang a2 . Tam gidc SAD cantai S va
) L ‘ . 4
mat bén (SAD) vudng goc véi mat phang day. Biét thé tich ctia khoi chop S.ABCD bang 5613 . Tinh

khodng cach & tir diém B dén mit phang(SCD).
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Loi giai

Ta c6 chidu cao ciia khbi chop S.ABCD 1a SI véi I 1a trung diém cta AD .

. . . 4
Suy ra thé tich ctia khoi chop S.4BCD bing §a3 o2 s1=23 o s1=24.
Xét tam giac SCD vuodng tai D co:

SD =~/SI> + ID? =¥ nén S, =%SD.CD=%.3“*/§ a2 =29

az
2 2

4

£ 1
Thay ngay Vs 4pcp =2Vs pep =2V scp < 503 =2.

4
S hs h=—a.
3 PASCD 3
Céu 5. Ling try ABC.A'B'C' ¢6 day 1a tam gidc vudng cn tai 4, AB=a, biét thé tich cua ling tru
3
ABC.A'B'C' 1aVv :%.Tinh khoang cach h gitta AB va B'C’.
Loi gidi

B

Tacd AB|(A'B'C')= d(AB,B'C')=d(4B,(A'B'C"))=d(B,(4'B'C")).

4a’
2 P
x V 8
D& c6: SAABC=%-M91 V =Sy peh = h= _ 52 :?",
mpc 4
2

Ciu 6: Cho hinh chop S.ABC c6 day la tam giac déu canh a, canh bén S4 vudng goc v6i day va thé tich cua
3
khdi chop d6 bing "T Tinh canh bén SA.

Loi giai

2
s e N a3
D4y 1a tam gidc déu canh a nén dién tich S, = ;f
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3a’
1 3V, 4
SA 14 dudng caonén Ve .. = —SA.S . . = SA = 2SABC _ —a\3.
g 5.4BC =3 ABC S e \/5
4

3
a , . ., A , <A 5
, day 1a tam giac déu canh @~/3 . Tinh chidu cao h cua

Cau 7: Cho hinh chdp S.4BC c6 thé tich bang

hinh chop da cho.
Loi giai
3,03
Ta cb: V:%SABC.h = 3 da.

S s (a\/g)z.\f_ 3

Cau 8: Cho tir dién OABC c6 04, OB, OC 361 mot vudng goc. Biét OA=a, OB=2a, OC = a+/3 . Tinh
khoang cach tir diém O dén mit phang (ABC).
Loi giai

A

1 a3x/§
3

Tinh dugec AB =\ 04> +0B? =a\J5, AC =\OA*> +0C? =2a, BC=vOB*+0C? =a /7.

V19 . AB+ AC+BC
SABC:\/ID(P_AB)(P_AC)(P_BC):TC‘2 (véi p=228 > L))
: , 1 37, 243
Goi h=d(0;(4BC)). Taco Vousc =3hSapc == szicz =a.

Céau 9: Cho hinh chép S.ABC c6 day ABC la tam giac déu canh 2a, canh bén bang S4 vudng goc voi day,
SA = a. Tinh khoang c4ch tir 4 dén mit phang (SBC)?
Loi gidi
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S

2a aE

B
Ta c6 SB =SC = a~/5;SE =+/54> —a’® =2a. (E 14 trung diém BC)

2a)’\3
Dién tich tam gidc ABC 1a S = % =34

Dién tich cta tam gidc SBC la S’ = %SE.BC = %.2a.2a =2a’.

Thé tich hinh chép S.4BC 1a V = %a.\/gaz = ?cf.
3
Mt khéc V' = ?cf = %d(A;(SBC)).S’ = d(4;(SBC))= *f‘; :%.
a

Cau 10: Cho hinh chép S.4BC c6 ASB = CSB = 60° , ASC = 90°, S4 =SB =SC =a. Tinh khoang cach d
tir diém A dén mat phing (SBC ) .

Loi gidi
S
B
A
H
C
Ta c6: ASAB, ASBC 1a cac déu canh a nén AB=BC=a
Ta lai c6: ASAC vudng can tai S nén AC = a2
2
a

Déco: AC* = AB* + BC* nén AABC vuongtai B va S . =5

Goi H 1a trung diém cua AC. Vi HA=HB=HC va SA=SB=SC nén SHJ_(ABC) va

s =AC - ay2 .
2 2
3 @
Vay d[[ 4;(SBC)]=2sase M Suse _ 2 2 a6
SSBC SSBC a \/5 3

n
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Cau 11: Cho tit dién ABCD c6 AB=a, AC = a\/E, AD = a~/3, cac tam giac ABC, ACD, ABD la céac
tam gidc vuong tai dinh 4. Tinh khodng cach d tir di€ém A4 dén mit phang (BCD).

Loi giai

B

Do cac tam giac ABC, ACD, ABD vudng tai A nén néu D 1a dinh hinh chop thi AD 1a duong
cao cua hinh chop.

3
Khi d6 thé tich khéi chép D.ABC 1a: V, . :é.DA.SABC = %.a\/g.%.a\/i.a =2 5 6 .

1

Talai ¢6 Vpep =V ine =§.d(A,(BCD)).SBCD — d(4,(BCD)) = WV apen

BCD
Taco AB=a, AC=a2, AD =a~/3 nén BC=a\3, BD=2a, CD=ax/5.
Theo cong thirc HE rong, ta ¢6 S, = gaz.

3.9V
Vay d(4,(BCD))=—=2

Vi1

2
—a

2

a"/66

11

DANG 7.2: UNG DUNG THE TiCH TINH KHOANG CACH GIUA 2 PUONG THANG CHEO NHAU
PHUONG PHAP GIAI:
Tinh khoang cach hai duong thang chéo nhau a,b.
+ Ta chuyén khoang cach d (a,b) =d (a,(a)) = d(A,(a)) vol A€a, a//(a),b C (0{)
, 3
+ Ap dung cong thic h, = AH = —345<

ABC
Cau 1. Cho hinh chop tam gidc S.ABC c6 SA vudng goc voi mat day, tam giac ABC vudng can tai B,
BA=BC =a, gbc giltamp (SBC ) voi mp(ABC ) bang 60°. Goi / 1a tAm dudng tron ngoai tiép tam
gidc SBC . Tinh khoang cach giita hai duong thang A/ véi BC .
Loi giai
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B
Ké 1J//BC, J thudc canh SB . Suyra d(Al, BC)=d(BC,(AL))=d(S,(AL)).

Ta co:
: . 1 1
Tam giac AILJ vudng tai J va AJ:ESB =a IJ=EBC=§.

2
Suyra S,,, =%

VS.A[J 1 1 a3\/§
% = Z >V = Z Voasc = 7 .
S.ABC
Suy ra d(AI, BC) = d(S,(AL])) = 3SVSA _ % _

AALT
Cau 2. Cho hinh chép S.4BCD c¢6 day 1a hinh thoi tim O canh a, ABC = 60°, SA=SB=SC =2a . Tinh
khoang cach gitta AB va SC.

AB//(SCD)=> d(AB,SC)=d(A4B,(SCD))=d(B,(SCD)) iy

ASCD

. : 11
Tam gidc SGC vudng tai G suy ra SG =+ SC* -GC* =, |4a’ _a? = a://; .
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Tam giac ABC déu c6 canh bang a nén: OC =

NlQ
[\

Tam gidc BCO vuongtai O: S,,p == 5 —OC.BD=—.—.a\3 =

\/_lazx/— a*\11
37 B3 12

Do d6: Ve = %SG.SABCD

CD 1 SG

|cp1cG
Ta co: SGACG=1{G) = CD L(SGC)=CD L SC.
SG,CG = (SCG)

Tam gidc SCD vudng tai C: S,qp = %SC.CD = %.2a.a =a’.

37, 11
Vay d(4B,SC) :ﬂzi.
SASCD 4
Céu 3. Cho hinh ling truy ABC.4'B'C" c6 mit day 1a tam gidc déu canh AB = 2a. Hinh chiéu vudng goc cua
A' 1én mat phing (ABC) tring v6i trung diém H clia canh AB . Biét goc giita canh bén va mit day

bang 60°. Tinh khoang cach hai dudng chéo nhau BC va AA’ theo a.

Loi giai
Al Ol
B/
A/ s A0
Ht\"' al ,/’///
N -
F -t
-*B
- N
Pra \\
K —~
E

Tacé: d(AA4',BC)=d(AA',(BCC'B'))=d(A,(BCC'B'))=d(A,(BCB'))= Visew _Vascawe
SBCB’ SBCB’
Viscape = AH.S o = 3a’.
ABCB' ¢6: BC =2a;BB' = AA' =JAH*> + AH*> =2a;B'C =\JB'E* +CE* = a6 .
Ji5 215

Suy ra: Sy = 5 ——a*. Vay d (44, BC)——

DANG 8: CAC BAI TOAN VE Ti SO THE TiCH
DANG 8.1. THE TiCH KHOI CHOP
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KIEN THUC CAN NHO: Cho hinh chép S.4BC goi A',B',C" lan luot la céc diém thudc canh S4,SB,SC
. Ve... SA SB SC'
twong tmg (khong tring v&i § ) thi —248< =— —
VSABC

SA SB SC

C

Dac biét:
+ Néu hai hinh chop ¢ day cung nam trong mot mét phang va c6 dinh nam trén dudng thiang song
. v, S 3 A AT o r A
song voi day thi —=—L,trong d6 S,,S, lan luot 13 dién tich ddy cta hinh chop c6 thé tich V,,7,
2 2
tuong Ung.
+ Neéu hai hinh chop c6 cung day va hai dinh nam trén duong thang cat mat day thi

n = M ﬂ, trong do6 A, h, lan luot 1a dudng cao cua hinh chop c6 thé tich V.V, tuong tmg va
v, h, SM

M 1a giao diém cta S,S, voi mat phang day (voi S,,S, 1a dinh caa cac hinh chép).

+ Cho hinh chép S.4,4,4;...4,. Goi () 1a mit phang song song v&i mit ddy ctia hinh chop va cit
cac canh S4,,S4,,...,S4, 1an lugt tai M,,M,,..., M, (mat phang (@) khong di qua dinh). Khi d6,

SM
=k’ trong 46 k=—-L.
S.AA 4. A, S4,

LOAI 1: CHOP CO PAY LA TAM GIAC

v
. VSMMM;. M,

Ciu 1. Cho hinh t&r dién déu 4BCD. Piém M 1a trung diém cta canh AB . Tinh ti s6 thé tich cta khdi tu
dién MBCD va ABCD.
Loi giai

A

Page 31



CHUYEN DPE I - HINH HQOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

. V AM AC AD AM 1
Cich 1. Xét hai khoi chép 4.BCD va AMCD co —22L = . C. = =—
Visew AB AC AD AB 2

1 1 N 1
Suyra Vi sep =Viseo =Vasen =Viseo =5 Viseo == Vapen - Vay nén MED - —
2 2 A.BCD 2
Cach 2. Vi M 1a trung diém ciia 4B nén khoang cach tir 4 toi (BCD) gip 2 1an khoang cach tir
. V d(M,(BCD 1
M t6i (BCD). Do do, ta c6 —LEE = (M, ( )_1
usco  d(4,(BCD)) 2

Céu 2. Cho hinh chép S.ABC ¢6 G 1a trong tAm tam giac SBC . Mit phing qua AG va song song voi BC
chia khéi chop thanh hai phan. Tinh ti sé thé tich hai phan do.
Loi giai

e
=

Qua G ké duong thing d song song voi BC. Khi d6, d cit SB,SC lan luot tai M va N tuong
tmg. Liic ndy, mit phang (AMN) chia khdi chép thanh hai phan: Khoi chép S.AMN c6 thé tich V,

va khéi da dién AMNCB c6 thé tich V.
Vi _Viuw  SASM SN _SM SN

Ta co = . =z 7 =
Ve se  Veuse SA SB SC SB SC
Vi MN //BC nén %:ﬂ:&:% (trong d6 I 14 trung diém cua canh BC). Suy ra
SB SC SI 3
L:S_MS_szg:ile :iVSABCD =£(K +V,)= 5V, =4V, :>£=i
Vise SB SC 33 9 9 9 v,”s

Cau 3. Cho hinh chép SABC c6 SC=2a va SC L(ABC). bay ABC la tam gidc vudng cin tai B va
AB = a2, Mit phang (@) qua C va vudng goc v6i S4, (@) cat SA,SB lan luot tai D, E. Tinh thé

tich khdi chop SCDE.
Loi giai
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A

B
Theo gia thiét thi £, D 1an luot 14 hinh chiéu vudng goc cua C trén SB, SA.

1 24’ |4 SE SD SE SD
Taco: V.,,.=—SC.S,, =——va =L ——— —— ha == )
sapc =3 ABC 3 Vepe SB SA Y Vscor SB 4 s8¢

SB

SB

2
: E 2
Trong tam gi4c vuéng SBC c6 SC* = SE.SB < SE _ (SCJ 3

s4 \s4) 2

2
Trong tam giac vudng SBC c¢6 SC* = SD.SA < SD _ (Ej _l
%
.
Céu 4. Cho hinh chop tam gidc S.ABC ¢6 M 1a trung diém caa SB,N 14 diém trén canh SC sao cho
NS =2NC , P 1a diém trén canh S4 sao cho PA=2PS . Ki hiéu V.V, 1an luot 1a thé tich cua cac

R 1
Vay Viewp = EVSABC =

khéi tir dién BMNP va SABC . Tinh ti s6 %
2
Loi giai
S

1
Vw3 T CABD Sowr g (saBy _ NS _2
Vesas ;.d(c,(SAB)).SSAB » d(C,(84B)) CS 37
1 11
SBPM ESBPS _E'ESSAB
S VN4BMP _ 2 1 1
uy ra, =z =,
Yy s 36 9
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Céu 5. Cho tirdién S.A4BC, M va N la cac diém thuoc SA va SBsao cho MA=2SM , SN =2NB, (a) 1a
mit phang qua MN va song song véi SC . Ki hidu (H,) va (H,) la cic khdi da dién c6 dugce khi
chia khdi tir dién S.4BC boi mit phang (@), trong d6 (H,) chia diém S, (H,) chira diém 4; ¥,

va ¥, 14n luot 1 thé tich cua (H,) va (H,) . Tinh ti s6 ;
2
Loi giai

Ki hiéu V' 1a thé tich khdi tir dién S.4BC .
Goi P, Q lan luot la giao diém cia (@) véi céc dudng thang BC, AC.
Tacé NP/MQ//SC . Khi chia khdi (H,) béi (ONC), ta dugc hai khdi chép N.SMOC va N.QPC

Ta co VN.SMQC — d(N’(SAC)) SSMQC

Visse  d(B.(S4C)) Sy
d(N,(S4C)) NS 2
d(B,(S4C)) BS 3
Swo _(AMY _ _ Soee S
S asc AS 9 S 9
Suy ra —-MeC _25_10

B.ASC 39 27

Viore _d(N.(QPC)) Sppe _NB CQ CP_112_2
Veuse d(S.(4BC)) S, SB CA'CB 333 27
5: Viv.suoc +VN.QPC :B_'_i:i: 4 :ijﬁzi'
Voo Veuse  Vsage 27 279 V+V, 9 V, 5

Céu 6. Cho hinh tr dién déu ABCD c6 M 1a trung diém canh AB, N 1a diém thudc canh CD sao cho
CN =2ND . Tinh ti s6 thé tich ctia khoi ta dién ABCD va MNBC .
Loi giai
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A

M
D
B
N
C
Ta co
\ -2 5 A . VB MCN
+ M Ia trung diém cua AB nén ta c6 ————=—
B.ACN 2
, v
+ N 1a diém thudéc canh CD ma CN =2ND nén NC_2 . Do do, ta c6 48 ==
DC 3 D.ABC 3

Suy ra Viacy _ e .VN.ABC :gl _ 1 N V isen _3
32 3

D.ABC VB.ACN VD.ABC

Ciu 7. Cho khéi chop S.4ABC c6 thé tich V. Goi M, N, P lan luot 1a cac trung diém cua canh S4, SB, SC

VMNBC

tuong tmg. Goi ¥, 1a thé tich khéi da dién MNPBCD . Tinh %

Loi giai

C
Vi M, N P lan luot 13 trung diém cia S4, SB, SC nén ta co Sﬂ:S—N:S—P:l .
S4 SB SC 2
Vi vay
‘M P 111 1
VS.MNP:S S_NS_:___:_SVSMNP: V:>V1=ZV:>5=Z
Vi se SA SB S 222 8 ' 8 Vo8

Céu 8. Cho khéi chép S.4BC.Goi G la trong tim tam gidc ABC . Goi K 1a giao diém cua SG vé6i dudng
thang néi trung diém cua AB va SC Mit phang (&) chira AK va song song véi BC cét SB, SC

lan luot tai M, N. Tinh LS00

AMNBC
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Loi giai

Goi 1,J lan luot 14 trung diém ctua AB,SC twong tmg va G’ 1a trong tAm cta tam giac SBC .
Tacd SG,IJ citnhautai K; AG',SG cét nhau vi cling nim trong mit phiang (SEA) trong d6 E
1a trung diém cia BC; AG',IJ céit nhau vi cing nim trong mit phing (BAI'). Mit khac
AG',SG, IJ khong dong phang. Vi vay ba duong thang AG’,SG, IJ d6ng qui tai K .
Qua G’ ké dudng thing d song song véi BC.
Khi d6, d cit SB,SC lan luot tai M va N twong tng. Lic ndy, mit phing (AMN) chia khdi
chop thanh hai phan:
+ Khoi chop S.AMN ¢ thé tich V]
+Khdi da dién AMNBC c6 thé tich V.

Vi Vs _SA SM SN _SM SN

Ta co == ket
VS.ABC VS.ABC SA SB SC SB SC
Vi MN //BC nén S—M=S—N=£:z (trong d6 I 1a trung diém cua canh BC). Suyra
SB SC SI 3
VU SMSN 22 4, 4y d g KA Vo
Viusc SB SC 33 9 9 > 9 v, o5 Vise 3

Cau 9. Cho hinh chop S.4BC c¢6 ABC la tam giac vudng can tai Bva SA vudng goc voi mit day (ABC).
Mat phing (o) qua diém A vudng goc véi SC tai E va cat SB tai diém F chia khéi chép thanh
. V. X
hai phan. Tinh —242< biét SA= AB =a.

AEFBC
Loi giai

Page 36



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

N

A ‘ c
B

bat V="V, 5o Vi =V airsVa =V igrpe - Taco Vi+V, =V va %: el e Sl S

2|
%]
%]
8
8

Vi BC L AB,BC 1 SA=> BC 1 (SAB)nén BC L AF .
Laido ()L SC nénn SC L AF . Suyra AF 1 (SBC)= AF 1 SB.

SAT a1

. SF
Xét tam gidc vuong S4B c¢6 SF.SB =SA* = 5 =( = —. Tuong tu, ta c6

S_B i +d 2
2 2
1 V.1
sc \sc) a+2d4 3 V6 ¥, 5 Voo S

SM 1

Ciu 10. Cho khéi t&r dién S.ABC va hai diém M, N lan luot thudc cic canh SA4,SB sao cho RS

% =2.Mat phfmg(P) di qua hai diém M, N va song song v6i SC cit AC, BC lan luot tai L, K.

Tinh VSCMNKL
ABMNKL

Loi giai

Mit phang(P)di qua hai diém M,N va song song véi SC cit hai mit phing (SAC),(SBC) theo
cac giao tuyén ML, NK cing song song v6i SC .

Ta co:
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L CL_SM _1CK_SN 2
CA MA 3°CB NB 3
Goi V,V,,V, lan luot 1a thé tich khbi da dién S.4BC,SCMNKL, ABMNKL.
+ Vskic _ Vese ZE'CK :E
14 V. CACB 9
Vo _SM_ 1

Ver, SA 3
d(ALK) di(ALK) di(AKC) AL CK 2

+ VSKLA _

V. di(ABC) di(AKC) di(aBC) AC CA 3
VSKLM

14 4
Suyra =2 =— —=—
V 39 27

2
3

2_4
3 9

Vese SA SB 3
Vo _ dt(ABK) _ BK _

vV  d«(ABC) BC

Vo _SM SN 1

v
Suy ra —8K =
Y V

VS CMNKL __

Va
. y VABMNKL

LOAI 2: CHOP CO PAY LA TU GIAC
PHUONG PHAP GIAI:

Buwéc 1: Phan chia ldp ghép khéi chop tir gidc da cho thanh nhiéu khdi chop tam giac.

Buwéc 2: Sir dung cong thirc ti s6 thé tich khdi chop tam giac va cac ki thut chuyén dinh, k¥ thuat

chuyén day dé tinh thé tich cac khi tam giac.

Buée 3: Két luan.
Céu 1. Cho hinh chop S.ABCD . Goi M, N, P,Q lan luot 14 trung diém cta S4, SB, SC,SD . Ti s thé tich cta

khéi chop S.-MNPQ va khéi chop S.ABCD .

Loi gidi
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1
= VSAMNPQ =Vsuwp + VS.MPQ = g Vs apc + g Vsacp = g Vs asco

1 Vo1
=V ==t
Vv, 8
Cau 2. Cho hinh chop tr gidc déu S.4BCD day 1a hinh vuéng canh a, canh bén tao véi day goc 60° Goi
M 1atrung diém SC . Mit phang di qua AM va song song véi BD, cat SB tai E vacét SD tai F

. Tinh thé tich khdi chop S.AEMF .

Loi giai
Goi O=ACNBD,I=SONAM . Tacd
(AEMF) // BD=> EF |/ BD
Ta c6: dt(ABCD)=a*,SO = AO.tan 60° = #
a6

nén Vg pep = %dt(ABCD).SO ==

VS.AEMF = VS.AMF + VS.AME = 2VS.AMF; VS.ABCD = 2VS.ACD

Suy ra Vs amnr — Vs.anr — SM 'S_F: SF
VS.ABCD VSAAG'D SC SD 2SD
Vi O,M 1la trung diém cua AD,SC tuong ung nén [ la trong tam tam

giac SAC . Vi vay

a*J6

= VS.AEMF = E VS.ABCD = ?

E — ﬂ — g — VS.AEMF — VS.AMF _ 2
SD SO 3 VS.ABCD VS.ACD 23

W | —

Céu 3. Cho hinh chop S.4BCD c6 thé tich ¥V vé&i day ABCD 1a hinh binh hanh. Mit phing qua 4, M, P cit
: SM 1 SP 2 : .
canh SC tai N v6i M, P 1acac diém thudc SB,SD sao cho e =3 ) = 3 Tinh thé tich khoi

da dién ABCD.MNP .

Loi giai

Ta c6 cong thirc cho bai toan tong quat: cho hinh chép S.ABCD day la hinh binh hanh. Mit phing
(@) cit cac canh S4,SB,SC,SD lan luot tai M, N, P,Q nhu hinh v&.
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1

I 1
bat: S—M=xS—N=y,£=z,£=t.Khidétacé: —t—=

1
S4 ' SB SC SD x z y t
Ap dung vao bai toan ta co:

e Ly L Ll 52
x 1 2 X 5
2 3
Khi d6: M=1_1_2=1;VSANP 122 4
ABC 25 5 Ve 53 15
Nén: VSAM—}-M =l+i:l hay: Vs nmr :l PN Vs.nme =l.
swe Vsiep 51515 ;VSABCD 15 Vs.ager 30

Do d6: Mzé.
30

I/tS.ABCD
Cau 4. Cho hinh choép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O. Tir diém O ké cac duong thang lan
’ \ V
lugt song song v6i S4,SB,SC,SD va cat SC,SD,S4,SB lan luot tai G,E,F,H . Tinh —2£H¢

S.ABCD

Loi giai

Ta c6 khoang cach tir diém S,0 dén mit phang (EFHG) bang nhau nén V; e = Vo crmc
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Ma mit phang (4BCD) song song véi mét phang (EFHG).

3
Mt khae SE _SE_SH _SG 1\ Vipmg (1) _1
SD SA SB SC 2 2

Vs asco
Vo EFHG _ l

Viay ———

S.ABCD 8

Céu 5. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh. Goi K 1a trung diém cta SC . Mit phang
(P) qua 4K va cét céc canh SB,SD lan luot tai M va N. Bt V=V, ..V =Vy ep- Tim

V. .V
S =max —=+ min—-.

Loi giai

bat x:Sﬂ’ y:S—N Tlnh

SB SD
Taog Veaw _SM SK 1

X , y
x=V, =2V . Tuongtutacod V. 7
Ve se SB SC 2 SAMK 4 gh s.ank =

L theo x va y.

Vi x+y
Suyra - =—"—=(1
yra 2 (D

. 1 Vs SM SN Xy
Vl = VS.AMN + VS.MNK va Vs pe =V ipe ==V - Ma ;ngZ = SB SD =Xy = VS AMN 7V

y
M:Sﬂ_S_N,S_K:ﬂjVSMNK vy
Ve SB SD'SC 2 'S

V., 3xy
Suyra — =">(2
yra 4()
Tl‘r(l)ve‘l(2)suyray:L.Dox,y>0nénx>l.
3x -1 3

Viy<l=

3x—1

sl:le .Vaytacod x e l;1
2 2
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2
Xethimsé f(x)= 02322 3 g 1] oo =202
Vo 4 4Gx-1) 2 4(3x-1)
BBT:
2 3
fx) 0 +
fix) 3 3
§ 8
l /
3
V. V.
Tu BBT suy ra min_l:l;ma,X—1:§:>S:l 3_17
Vv 3 Vo8 3 8 24

Cau 6. Cho hinh chép S.ABCD c6 day la hinh chitr nhat, 4B = a3 ,AD =a, SAvudng gbc voidayva SA=a
. Mit phing (o) di qua 4 vudng goc véi SC cat SB, SC,SD lan luot tai M, N, P .Tinh thé tich khbi
da dién S.AMNP

Loi giai
S

M,
/

B c

1 3

Taco Vs jpcp =—.a.aN3.a= V3a .
2 ' 3 3 ’ 1 ~

Mat phang (a) di qua 4 vudng goc voi SC catSB,SC,SD lan luot tai M, N,P de¢ rang ching

minh duoc rang: AM L SB, AP 1 SD
SM _SM.SB_S4* 1

Trong tam giac vuong SAB ta co: B = = =

SB>  SB* 4
2
Trong tam gidc vudng SAC ta co SN—SNS;C SA2 :l.
sC  SC SC° 5
P SPSD S4* 1
Trong tam gidc vudng SAD tac S S 52 5 ~=—
SD SD 2
S4 SM 1 SN 1 SP 1
Suyra x=—=Ly=—=—jz=—=—jt=—=—
SA SB 4 SC 5 SD 2
T
va Veawe _ 02 1 (—+ ML l)zﬁ_(1+4+5+2):i
Vs asen 4 x y z 4 40
3 3 \/§a3 \/§a3

=V e = —. == N2 -
S.AMNP 40 S.ABCD 40 3 40
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Céu 7. Cho hinh chép S.4BCD c6 ddy ABCD la hinh binh hanh. Goi B',D’ 1an luot 14 trung diém cua canh
SB,SD. Mit phing (AB'D') cit SC tai C'. Goi V.V, lan luot la thé tich khdi chop

S.ABCD,S.AB'C'D' . Tinh %

Ta co

Goi O la giao diém hai duong chéo hinh binh hanh ABCD. Ta cd B'D’ cit SO tai trung diém [
ciia SO. C' la giao diém cta A va SC .

Tur O ké OK song song véi SC (trong d6 K € SC).

Tacé OK =SC'. Suyra 2o =58 _1
SC SB 3
L
Do as Yoz 274 _SB SC 11 1 Wiy 1
5. ABC 1, SB SC 23 6 4 6
2
Céu 8. Cho hinh chop tir giac déu S.4BCD . Mit phang (P)qua 4 vudng goc voi SC cat SB,SC,SD lan

SB'

luot tai B',C',D'va AB=a, 5= % Tinh thé tich S.4B'C'D'.

Loi giai

SB' SD' SH 2 _SC' 1

Ta c6 thiét dién 1a t giac AB'C'D'. Taco = =2 =2 " —_ > ASACcantai 4
SB SD SO 3 ~SC 2
a~?2 , a3\/€
=>84=AC=a\2 =>50 = S Taco V=V, oy =——
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L 4 VS.AB'C'D' VS.AC'D' VS,AC'B' 1 SC' SD' 1 SC' SB' 1 1 613\/g
Lai co = + - =V ey ==V =
Ve seo  Veuer 2Vsus 2 SC SD 2 SC SB 3 3 18
Céu 9. Cho hinh chép ABCD ¢6 ddy ABCD1a hinh binh hanh tdm O. Tir diém O ké cac dudng thing

song song v4i cac mit bén cua hinh chép va cit cic mit bén (S4B),(SBC),(SCD),(SDA) lan luot

tai J,K,M,L. Tinh Vo

S.4BCD

Goi I,G,F,H lan luot 1a trung diém cua AB,BC,CD,DA thi J,K,M,Llan luot thudc cic doan
thang SH, SI,SG, SF

Do O 14 trung diém cua AC,BD va OJ,0K,OM,OL lan luot song song voi SG,SF,SH,SI nén
J,K,M,Llan luot 1a trung diém cua cac doan SH,SI,SG,SF . Vi vy mit phang (JKML) song

3 3
song v6i mat (4BCD) Do do M:KSKJ :(lj _1

S.HIGF SI 2 8
- ’ A VS JKML VS JKML 1
Mat khac dt(ABCD) = 2dt(HIGF) nén = =—

S.ABCD 2I/S.HIGF 16

Céu 10. Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh binh hanh, thé tich ¥ . Goi P 1a trung diém SC . Mt
phing chita AP cit SB,SD lan luot tai M, N . Tinh ti s6 ‘;—A;. Biét thé tich cua khéi chop S.AMNP

bing =— .
£ 756

Loi giai
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S

D
.,V 27 1 SM1 118N SM SN 27
Ta co S AR e A ML A § )
same 0 2 SB 2 228D SB SD 14
Laic(’)ﬁ+£:1+£<:>£+£:3(2)
SN SP SM SN

SM 3
Tu (1) va (2) tacO ——=—
(1) va (2) S5 = 7

Cau 11. Cho hinh chép S.4BCD day 1a hinh vuéng canh a, S4 vudng goc v6i mét phang day (4ABCD) va

SA=a.Diém M thudc canh S4 sao cho i—Aj = k . X4c dinh k sao cho mat phang (BMC) chia khéi

chop S.ABCD thanh hai phan c6 thé tich bang nhau.
Loi giai

Vi BC / AD nén mit phang (BMC) cit mit bén (SAD) cua hinh chép theo doan thang MN // AD

(N € SD).

V. SM k

Ii‘,i]‘:z 4 =k Vsmpe = k'VS‘ABC = E'VS.ABCD

V. SM SN k*

éfzz = S_AS_D =k’ Vemne = kz'VS.ADC = T‘VS.ABCD

kK
= Vs spen = (5 + 7} Vs asep
Mit phing (BMNC) chia hinh chép thanh 2 phan ¢6 thé tich bing nhau thi
2
E+k_:l<:>k2+k—lzo<:>k: 1+\/§(d0 k>0)
2 2 2 2
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DANG 8.2: THE TICH KHOI LANG TRU ,

PHUONG PHAP GIAI : Cic bai todn vé ti so thé tich ciia khoi ling tru
1) Ti s6 thé tich ciia ling tru tam giac ABC.A'B'C’
Céng thire 1: Goi V 1a thé tich khoi lang try 4BC.A'B'C', V,, 1athé tich ciia khdi chép c6 4 dinh
trong 6 dinh cua lang try, 7, 1a thé tich cuia khdi chop c6 5 dinh trong 6 dinh cta lang tru. Khi d6 ta

co:
14
* Vi —3
2V
NGy
. 4 2V
Vidw V55 = ?; Viscon = 3

Cong thire 2: Cho lang try tam giac ABC.A'B'C'. Mgt mat phéng cit ba canh cua lang tru tai M,
N, P nhu hinh vé.

pat A _ BN L CP Khidotaco tish; Jmranc _ MTNEP
AA' BB' CC' VABC.A’B'C' 3
Chiy: khi M= 4, p=c th M 1 L _
44' " cC!

2) Ti s6 thé tich ciia khéi hop
Céng thire 1: Goi ¥ 1a thé tich khdi hop ABCD.A'B'C'D’, V,, 1a thé tich khoi tir dién c6 4 dinh
trong 8 dinh ctia hinh hop.

Néu khdi tt dién c6 hai canh 14 hai duong chéo cua hai mat ddi dién lang tru thi ta co: Vi = ?

A A+ o7 A A r . \ . \ r 5 . - A+ 1:n - 1 r V
Neéu khoi tr dién khong c6 hai canh 1a hai duong chéo ctuia hai mat doi dién lang tru thi ta co: Vi = 3
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. V V
Vidu: Vepp = ? Vs = g
Cong thirc 2: Cho hinh hop ABCD.A'B'C'D'. M(t mat phéng cit ba canh cua hinh hop tai M, N,
P, O nhu hinh vé.

DM AN BP (6(0)

bat =m; =n; =p; =q.
DD' AA' BB' cc'
Khidotacotisd: m+p=n-tgq va Vsmvpo.apcp :m+n+p+q:m+p:n+q.
ABCD.A'B'C'D' 4 2 2

Cau 1. Cho khéi lang tru tam giac déu ABC.A’'B'C’.Mat phing (4'BC) chia khéi ling tru thanh hai phan.

Ti s6 thé tich cua phan bé so vdi phan 16n.

Loi gidi
A C’
N
~N
~
~
~
\\
~
N
1 N
A ~__ \N |7 T — C
B
Mit phang (A4' BC) chia khi ling tru ABC.A’B'C’ thanh hai phan 1a A'.ABC vaA'B'C'BC
1 2

Taco: Vo ype = EVABC.A'B‘C' =Vipcse = EVABC.A‘B'C‘
. A Ao A 1 M 1
Suy ra ti so0 thé tich can tim bang 5

CAu 2. Cho khéi lang try tam giac déu ABC.A'B'C’. Goi M 1a trung diém canh 44" . Mt phing (MBC) chia

khdi lang try thanh hai phan. Ti s6 thé tich ciia phan bé so v6i phan 16n.
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Loi giai

Mit phing (MBC) chia khdi lang tru thanh hai phan M.ABC va MA'B'C'BC.
1 5

Taco:Vy, 4pe = h.S pe = gVABC.A'B'C' Suyra:V, ,gcpe = EVABC.A'B'C'

11

32
Ti s6 thé tich cua can tim bang é .

Cau 3. Cho khéi lang tru ABC.A'B'C’. Puong thang di qua trong tdm cta tam giac ABC va song song véi

BC cit cac canh AB, AC lanluottai M, N. Mit phiang (A’MN ) chia khéi lang tru thanh hai phan.

Tinh ti s6 thé tich ctia hai phan (phan bé chia phan 16n) .
Loi giai

Goi G la trong tam cua tam gidc ABC .
Goi E 1a trung diém cua BC = A6 = g
7 AE 3 , ‘
Duong thang d di qua G va song song BC, cat cac canh 4B, AC lan lugttai M, N.
N AM AN _AG 2
AB AC AE 3

AM = %AB 4
= ) = Saamv §SAABC <1>
AN =—AC
3
: - 1 '
Taco Vype yyer = Saapc-AA' VAV, iy = ESAAMN'AA : (2)

4 23

Tu (1> va (2) ssuyra Vy = 2_7VABC.A’B’C’ = VBMNC,A’B’C’ = E ABC.A'B'C’
Vay Vi auw _ i
VBMNC.A’B’C’ 23
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Céu 4. Cho khbi ling tru ABC.A'B'C' . Goi M,N lan luot 14 trung diém cia hai canh 44’ va BB'. Mit
phing (MNC') chia khéi ling tru dd cho thanh hai phan. Tinh ti s thé tich cta khdi chop
C'.A'B'NM va khéi da dién CC'ABNM .

Loi giai

Ciach 1: Goi 7 14 thé tich cuia khéi lang try
Vi hai khoi chop C".ABNM va C'MNB'A’ c6 cung chi€u cao va c6 mat day bang nhau nén thé tich

ctia khéi chop C'.MNB'A' 1a: V. s = %%V = %V
N 2. , £ 1 2
Ttr do suy ra thé tich cua khoi V. p0y, =V _EV = EV :

g R ) | |
Do d6 ti s0 thé tich hai phan dugc phéin chia la &k = S48 —

CC'ABNM 2

, % L v 1
Cach 2: Ap dung cong thirc —CMVAEC 2 2 _ = Quypy —CMvEA _
ABC.A'B'C' 3 3 ABC.A'B'C' 3

Do d6 ti s6 thé tich hai phan dugc phan chia 1a & = Yewwen _ % .

CC'ABNM
Céu 5. Cho hinh ling tru ABC.A'B'C" ¢6 thé tich bang V . Cac diém M , N , P lan luot thudc cac canh A4’

AM _1 BN _ CP _2 Lo thé tich khdi da dién ABC.MNP .

, BB', CC'" sao cho

44 2’ BB CC' 3
Loi gidi
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1 o, 1 oy 2 4
Vi =V vecs =§d(M’(CCBB))'SNPCB =§d(M’(CCBB))'§SCC’B’B ZEVA.BCC'B' :§V
1 11, 1
V, =V s :§d(M,(ABC)).SABC =§.5d(A ,(ABC)).S 3¢ :gV
A 4 1 11
Vay Vgcome =V +V, :§V+EV :gV
Cach 2:
AM BN CP 1 2 2
' V A4 BB cC 2733 11
Ap dung cong thuirc ta co: AEAC = 3 = T

ABC.A'B'C’
CAu 6. Cho hinh lap phuong ABCD.A'B'C'D' . Mit phiang (BDC') chia khbi 1ap phuong thanh 2 phan. Tinh
ti s6 thé tich phan bé chia phan 16n.

Loi giai
A’ D'
I
i 'y
B !
l
)_ _______ :;-iD
f’#'i_..."'-‘ e
B C

1 1

Taco: Vegpe = 3 Voo = 6 Visep.ascn
b con Lai 7 =

= Phéan con lai _gVABCD.A’B'C'D’
s A A \ M 1

= Ti s0 can tim bang 3

Cau 8. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 thé tich 1a V. Goi M, N 14n luot 1a trung diém cua 4'B’ va
B'C". Tinh thé tich khéi chép D'.DMN .

Loi giai
A : 4 D'
M o
B ~ :
' N C
'
S —— D
- e i '{
B C
1 1
SMNB’ = ZSA’B’C’ = ZSA'C’D’
] 1
Taco SNC'D' = ESB’C'D' = ESA’C’D'

Sy == oy ==y
MA'D A'BD ACD
2 2
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1 1 1 3
= SD’MN = SA’B’C’D’ - (Z + 5 + Ej SA’C’D’ = Z SA’C’D’
V
3 359 V
= Vpoun = 4 Voacr = Z% = ]

Céu 9. Cho hinh hop chir nhat ABCD.A'B'C'D' ¢c6 AB=a, BC=b,AA'=c . Goi M va N theo thir tu la
trung diém ctia A'B' va B'C’ . Tinh ti s giita thé tich khdi chép D'.DMN va thé tich khéi hop chir
nhat ABCD.A'B'C'D' .

Loi giai
4 B
|
I c
D ' M
~ ! 4 it t B'
Vo I
AN I T
~
\ M “~ IB N
1% - 8~y 1l
-
/ ~ %-‘v
Vs — D' rall
D’ c’

Thé tich khdi chép D'.DMN bang thé tich khdi chop D.D'MN
Tacd Sy =S pep — (SD’A'M +Spen t+ SB’MN)
ab ab ab 3ab
=ab—| —+—+—|=—
4 4 8 8
l 3ab . abc

DD =—-—.¢
3 8 8

AD'MN *

Thé tich khdi chép D'.DMN 1a:V, = %S

Thé tich ctia khdi hop chit nhat ABCD.A'B'C'D'1a V = abc = % = % .
Cau 10. Cho hinh hop ABCD.A'B'C'D' ¢6 céc canh bing a, BAD = 60°, BAA' = 90°, DAA’ =120° . Tinh thé

tich khéi hop.

Loi giai

Tir gia thiét ta tinh dwgc BD=a, A'B= a2 , A'D=a/3 nén tam gidc A'BD vuédng tai B.
Vi AB = AD = AA' nén hinh chiéu vudng géc cia 4 1én mit phang (A'BD) tring v6i tam H cua
duong tron ngoai tiép tam gidc A'BD (H 1a trung diém cta A'D)
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2
Tacé AH = Ad'cos60°=2, 5, =LpaBD="2 2 ,
2 2 2
3
Do d6 thé tich khéi tir dién A"ABD 13 ¥/, ,, = % .
e ) NG
Tadabiet Vyep ppep =06V upp 080V p0h ppeny = TS

Céu 11. Cho hinh lap phuong ABCD.A'B'C'D', I 1a trung diém cuia BB'. Mit phang (DIC') chia khéi lap
phuong thanh 2 phan. Tinh ti s thé tich phan bé chia phan 16n.

Loi giai
i D'
:
| C'
B’ T
|J.-‘ N
r’rl \\
I1&~" i N
S | (. B0
\,{_‘:'_.--*-'
7 N
B C

Mit phing (IDC’) cit AB tai N, v6i NA=NB.
Gia sir canh ctia hinh lap phuong ABCD.A'B'C'D’ bang a. V,,V, lan lugt 1a thé tich phan bé va

phan 16n.
o 1 ’ 1 o’
Taco: Vepuw =Veaon Ve anw = ECC . +§CB S i -
1 a o laa a
Mé. S —qaq.—=— Vé S = ——=—
R Y222 8
1 , & 3d° 5aq°
=S s zga _?:_ C'DANIB' ZE
1 5, 5 7da
s 1 = — —_ =
2 24 24
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN
@ HE THONG BAI TAP TRAC NGHIEM.

BAI TAP TRAC NGHIEM TRiCH TU PE THAM KHAO VA PE CHINH THU'C
CUA BOQ GIAO DUC TU NAM 2017 PEN NAY

Cau 1:  (MBD 101-2022) Cho khéi lang tru ¢ dién tich ddy 34> va chiéu cao 2a. Thé tich khéi ling tru
da cho bang
A. a’. B. 6a°. C. 3a . D. 24°.

Cau2:  (MD 101-2022) Cho khbi chép S.4ABC cb chiéu cao bing 3, day ABC c6 dién tich bang 10.
Thé tich khdi chép S.4ABC bang
A. 2. B. 15. C. 10. D. 30.

Cau3:  (MD 102-2022) Cho khéi chop S.4ABC cé chiéu cao bang 3, day ABC c¢6 dién tich bang 10. Thé
tich khéi chép S.4BC bang

A. 15. B. 10. C.2. D. 30.

Cau4: (MDD 102-2022) Cho khéi lang tru co6 dién tich ddy 34> va chidu cao 2a. Thé tich khdi lang tru
da cho bang
A. 3a’. B. 64°. C.24°. D. .

Cau5:  (MBD 103-2022) Cho khdi chép S.4BC cb chidu cao bang 5, ddy ABC c6 dién tich bang 6.
Thé tich khéi chép S.4ABC bing
A 11, B. 10. C. 15. D. 30.

Cau 6:  (MD 104-2022) Khdi chép S.ABC co chiéu cao bing5, ddy ABC cb dién tich bang 6. Thé
tich khéi chép S.4BC bang
A. 30. B. 10. C. 15. D. 11.

Cau7: (MDD 103-2022) Cho khéi chop va khdi lang tru c6 dién tich day, chiéu cao twong tmg bang nhau

. \ Vo
va ¢o thé tich lan lwot 12 V;, V. Ti s6 7‘ bang
2

A2 B. 3. c.2. D. 1.
3 2 3

Cau8:  (MD 104-2022) Cho khéi chop va khéi lang tru c6 dién tich day, chidu cao twong (mg bang nhau
va c6 thé tich lan lugt 1a V;, ¥, .Ti s6 " bang

2

A2 B.2. C. 3. p. L.
3 2 3
Cau9: (MD 101-2022) Cho khdi lang try ding ABC.A'B'C’ c6 day ABC la tam gidc vudng can tai
A, AB =2a. Géc giita duong thang BC' va mit phang (4CC'A’) bang 30°. Thé tich cua khéi

lang try da cho bang:
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:
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A. 3d’. B. d’. C. 12424 D. 424’
(MBD 102-2022) Cho khéi ling tru 4BC.A'B'C’ c6 ddy ABC la tam gidc vudng can tai A,
AB = a . Goc giita duong thing BC' va mit phing (AcC'4’) bang 30°. Thé tich cua khdi lang

try d4 cho bang

2
A. la3. B. 3a3. C. ﬂcf. D. £a3.

8 8 2 2
(MD 103-2022) Cho khdi lang tru dimg ABC.A'B'C' ¢6 ddy ABC la tam giac vudng can tai A
, canh bén A4’ =2a, gbc giita hai mit phang (A'BC) va (ABC) bang 30°. Thé tich cua khéi
lang tru d4 cho bang:
A. 244’ . B. §a3. C. 8a’. D. §a3.

3 9

(MD 104-2022) Cho khdi ling tru dimg ABC.A'B'C' c6 day 1a tam giac ABC vudng can tai
A, canh bén A4'=2a, géc giita hai mit phing (4'BC) va (4ABC) bang 60°. Thé tich khéi
ling tru da cho bang
ASe B. 8a’. c. 3z D. 24a’.

9 3
(TK 2020-2021) Mot khéi chop co dién tich day bang 6 va chiéu cao bang 5. Thé tich cua khoi
chop d6 bang
A. 10. B. 30. C. 90. D. 15.
(TK 2020-2021) Thé tich ciia khdi hdp chir nhat c¢6 ba kich thude 2;3;7 bang
A. 14. B. 42. C. 126. D. 12.
(TK 2020-2021) Cong thirc tinh thé tich ¥ cua khdi non c6 ban kinh ddy » va chidu cao h 1a:
A. V =rxrh. B. V =zr’h. C. V= %mﬂh. D. V= %ﬂl"zh.
(MD 101 2020-2021 — POT 1) Cho khdi chop co dién tich ddy B =5a> va chiéu cao h=a.
Thé tich khéi chép da cho bang
A. éa3. B. éa3. C. 5a°. D. é613.

6 2 3
(MD 102 2020-2021 — POT 1) Cho khbi chop c6 dién tich ddy B =3a” va chidu cao h=a.
Thé tich cta khéi chop di cho bing
A S B. 3a’. cly D.a.

2 3
(MD 102 2020-2021 — DOT 1) Thé tich khdi 1ap phuong canh 44 bing
A. 64a’ . B. 324°. C. 164" . D. 84°.
(MD 103 2020-2021 — POT 1) Cho khéi chép c6 dién tich ddy B =7a” va chiducao h=a.
Thé tich ctia khdi chop da cho bang
A. 1a3. B. 1a3. C. Za3 D. 74 .

6 2 3
(MD 103 2020-2021 — DOT 1) Thé tich khdi 1ap phuong canh 3a bing
A. 27a’. B. 3a’. C. 94°. D. &*.
(MID 104 2020-2021 — POT 1) Thé tich cia khdi 1ap phuong canh 2a bing
A.d. B. 24°. C. 8. D. 4a’.
(MD 104 2020-2021 — POT 1) Cho khbi chop cé dién tich day B =8a> va chiéu cao h=a.

Thé tich cta khéi chop di cho bing
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Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:
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A. 8a°. B. §a3. C. 4a°. D. —a’.

(MD 103 2020-2021 — DOT 2) Cho khéi tru co dién tich ddy B =2a® va chiéu cao h=a. Thé
tich cua khdi tru di cho bang
1

A 25 B. & C.—a’. D. 24°.
3 3

(MID 2020-2021 — POT 2) Cho khdi lang tru ¢6 dién tich day B =4a” va chiéu cao s =a. Thé
tich ctia khéi lang tru dd cho bang
2

4
A =d’. B. 44°. C.—a. D. 24°.
3 3

(TK 2020-2021) Cho hinh chép S.4BC c¢6 day ABC la tam giac déu canh a, canh bén S4
vudng goc v6i mit phing day, goc gittu S4 va mit phiang (SBC ) bang 45° (tham khao hinh
bén). Thé tich ctia khdi chop S.ABC bang

8

3 3 3 3

AL B, 3¢ c. B2 DL
8 8 12 4

(MD 101 2020-2021 — DQT 1) Cho khéi hop chit nhat ABCD.A'B'C'D’ c6 day 1a hinh vudng,

BD =2a, gbc giira hai mat phang (A4'BD) va (ABCD) bang 30°. Thé tich ciia khdi hop chit

nhat da cho bang

2
A. 63 B. — C. 3¢, D. ——
(MD 102 2020-2021 — DOT 1) Cho khdi hop chit nhat ABCD.A'B'C' D' ¢6 day 1a hinh vudng,
BD =4a, géc giira 2 mat phang (A4'BD),(ABCD) bang 30°. Thé tich ciia khdi hopchir nhat da
cho bang:
A. #cf .

NERD NERR
a . a .
9 3

C. @f .
3

(MD 103 2020-2021 — POT 1) Cho khdi hop chit nhat ABCD.A'B'C'D' ¢6 day 1a hinh vudng,

BD =2a, gbc giita hai mat phing (A'BD) va (ABCD) bang 60°. Thé tich cua khdi hop chir

B. 48/34°. D. 16+/34°.

nhat di cho bang
A. %a? B. 63/3d°. C. #cﬁ D. 2\/34’.

(MD 104 2020-2021 — DOT 1) Cho khbi hop chit nhat ABCD.A'B'C'D’ ¢6 day 1a hinh vudng,
BD =4a, goc gitra hai mat phang (A'BD) va (ABCD) bang 60°. Thé tich ctia khdi hop chit
nhat da cho bang

A. 4834°. B. C. D. 163/34°.

1643 1633
—a . —a .
9 3
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:
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(MD 101 2020-2021 — DQT 2) Cho khbi lang try tam giac déu ABC.4'B'C" c¢6 canh bén bang
4a, gbc giira hai mat phang (A'BC ) va (ABC ) bang 30°. Thé tich cua khéi lang tru dd cho
bang

643

A. 6434°, B. 220 c. O3 p. 43

27 9

(MD 103 2020-2021 — POT 2) Cho khéi lang tru tam giac déu ABC.A'B'C’ ¢ canh bén bang
2a, gbc giita hai mt phang (A'BC) va (ABC) bang 60°. Thé tich cua khoi lang tru da cho
bang

NEER B 83 . 88 D. 83d .

3 9 27
(MD 104 2020-2021 — POT 2) Cho hinh ling tru tam giac déu ABC.4'B'C’ ¢6 canh bén bang
4a, gbc gitta hai mit phang (A4'BC) va (ABC) bang 60°. Thé tich khdi lang tru da cho béing
NNER B, 003 c. o3 s D. 643’

9 27 3
(TK 2020 Lin 2) Cho khdi chop cé dién tich day B =3 va chiéu cao /4 =4 . Thé tich cia khbi
chop da cho bang
A. 6. B. 12. C. 36. D. 4.
(M3 101 - 2020 Lan 1) Cho khéi chép c6 dién tich ddy B =6 va chiéu cao 4 =2 . Thé tich cua
khéi chop di cho bang:
A. 6. B. 3. C. 4. D. 12.
(M3 102 - 2020 Lan 1) Cho khéi chop c6 dién tich day B =3 va chiéu cao / = 2. Thé tich khoi
chop da cho bang
A. 6. B. 12. C. 2. D. 3.
(M3 102 - 2020 Lan 2) Cho khéi chép c6 dién tich diy B =6a” va chiéu cao 4 =2a. Thé tich
khéi chop di cho bang:
A.2a’. B. 4a’. C. 6a’. D. 124°.
(Pé Minh Hoa 2017) Cho hinh chép tir gidc S.ABCD c6 day ABCD 1a hinh vuéng canh a,

canh bén S4 vudng géc v6i mat phing ddy va SA=a+2. Tinh thé tich ¥ cua khéi chop

S.ABCD
3 3 3
V2a B.V=‘/§a C. V=24 D.Vzﬁa
6 4 3
(M 105 2017) Cho khéi chop S-ABC ¢4 SA yuong goc véi day, SA=4, AB=6 BC=10
va CA=8 Tinh thé tich V' cta khéi chop S-ABC.
A V=32 B. V=192 C. V=40 D. V=24

A V=

(M3 104 2017) Cho khdi chop tam giac déu S.ABC c6 canh ddy bang ¢ va canh bén bang 2a
. Tinh thé tich V' cta khdi chop S.ABC.
3 3 3 3
Ayl B y = Ylla c. y Y13 p. y = la
6 4 12 12
(Dé Tham Khao 2019) Cho khéi chop tir gidc déu cé tit ca cac canh bang 2a . Thé tich cua

khéi chop di cho bang

3 8 3 3 3
22a B. = c. B2 p, 2
3 3 3 3
(M3 123 2017) Cho khdi chop tir giac déu cé canh day bang 4, canh bén gap hai lan canh déy.

Tinh thé tich V cta khéi chop da cho.

A.
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Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

3 3 3 3
A.V:‘Ez”’ B.V=\/%a c.V=*/E6” D.V:‘/E”

(M3 105 2017) Cho khdi chop S.ABCD c¢6 day 1a hinh vudng canh a, SA vudng goc véi day

va khoang cach tir A dén mit phang (SBC ) bang %. Tinh thé tich ctia khdi chop da cho.

3 3 3
AL B. a° C. V3 p. L
3 9 2
(M3 110 2017) Cho khéi chop S.ABCD ¢6 diy ABCD 1a hinh chit nhat, AB=a, AD=a 3,
SA vudng goc voi mit phang ddy va mit phing (SBC ) tao voi ddy mot goc 60° . Tinh thé tich
V' ciia khdi chop S.ABCD .
3 3
AV =3d B.Vz\/ia C.V=d D.V:%
(Ma 123 2017) Cho hinh chép S.ABCD cé day la hinh vuong canh 4, SA vudng goc véi day,
SC tao v6i mit phing (SAB) mét goc 30°. Tinh thé tich khéi chép S.4BCD
3 3 3
A 2 B. V2a C. Ve D. \24°
3 3 3
(P& Minh Hoa 2017) Cho hinh chop tir gidc S.ABCD c6 day 13 hinh vudng canh biang~/2a.
Tam gidc SAD cén tai S va mit bén (SAD) vudng goc voi mat phang day. Biét thé tich khoi
chop S.ABCD bang %cf . Tinh khoéng c4ch A tir B dén mit phing (SCD)
A.hzia B.h:ga C.h:ia D.h:§a
4 3 3 3
(Pé Minh Hoa 2017) Cho tir dién ABCD c6 cac canh AB, AC va AD d6i mot vudng goc véi
nhau; AB=6a, AC=7a vaAD =4a. Goi M ,N, P tuong Ung la trung diém cac canh BC,
CD, DB. Tinh thé tich V' cua tir dién AMNP .
A.V="7a B. V =14a’ C. V:%f D. V:%f
(M3 101 - 2019) Thé tich khdi lang tru ¢6 dién tich ddy B va c6 chiéu cao 4 la
A. Bh. B. %Bh. C. %Bh. D. 3Bh.
(P& Minh Hoa 2020 Ln 1) Cho khdi 1ap phuong c6 canh bang 6 . Thé tich ctia khdi 1ap phuong
da cho bang
A. 216. B. 18. C. 36. D. 72.
(P& Tham Khio 2020 Lin 2) Thé tich khéi 1ap phuong canh 2 bang
A. 6. B. 8. C. 4. D. 2.
(M4 101 - 2020 Lan 1) Cho khdi hop chit nhat c6 3 kich thudce 3;4;5. Thé tich cua khéi hop da
cho bang?
A. 10. B. 20. C. 12. D. 60.
(M4 102 - 2020 Lan 1) Cho khéi hop hinh chir nhat ¢6 ba kich thude 2; 4; 6 . Thé tich cua khéi
hép da cho bing
A. 16. B. 12. C. 48. D. 8.
(M4 102 - 2020 Lan 2) Cho khdi ling tru c6 dién tich ddy B =3 va chiéu cao 4 =2. Thé tich

ctia khdi lang tru dd cho bang
A 1. B. 3. C.2. D. 6.
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Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

(M3 103 2018) Cho khéi ling tru c6 day 1a hinh vudng canh @ va chiéu cao biang 4a . Thé tich
ctia khdi lang tru di cho bang

A. 164’ B. 4a’ C. ?cf D. %cf

(M3 104 2018) Cho khéi ling tru c6 day 1a hinh vudng canh @ va chiéu cao biang 2a. Thé tich
ctia khdi lang tru di cho bang

A. ga3 B. ia3 C. 24’ D. 44°
3 3
(M3 102 -2019) Cho khéi lang try dimg ABC.4’B'C’ ¢6 day 1a tam giac déu canh a va A4’ =2a

(minh hoa nhu hinh v& bén).
A’ [

Thé tich cua khéi lang tru d cho bang

3 3 3
A B3 g, 30 C.\3d. p, 3
2 6 3
(D& Minh Hoa 2017) Tinh thé tich ¥ ctia khéi 1ap phuong ABCD.A'B'C'D’, biét AC' = a3 .
3
AV=d B. V=3‘/fa C. V=33a D. V:%aS
(Pé Tham Khao 2019) Thé tich cta khdi 14p phuong canh 2a bang
A. 8a° B. 24’ C.a D. 6a’
(M3 104 2019) Cho khdi lang try dimg ABC.A'B'C’ ¢6 day 1a tam giac c
déu canh a va A4'=~2a (minh hoa nhu hinh vé& bén duéi). ‘ /
. ‘. . B
Thé tich cua khoi lang tru da cho bang
3 3
L g, Yoo
2 4
3 3 - C
C. J6a . D. Joa . 4 \/
6 12 =
(P& Tham Khao 2017) Thé tich ciia khéi lang try tam giac déu c6 tat
ca cac canh bang a.
3 3 3 3
Ay =@V By =3 cy-@V b,y = @3
12 2 4 6

(M3 110 2017) Cho khbi ling tru dimg ABC.A'B'C’ ¢6 BB'=a, diy ABC 1a tam giic vudng
cantai B va AC = a2 . Tinh thé tich V' cua khdi lang tru da cho.

3 3
a a

3
A v=L B.v=L C.V=d p.v=%L
3 2 6

(M 103 2019) Cho khdi liang tru ding ABC.A'B'C' cb day la tam giac déu canh 2a va
AA' =3a (minh hoa nhu hinh v& bén).
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A’ o

Thé tich cta khéi lang tru da cho bang

A. 6\/503. B. 3\/5613. C. 2\/§a3. D. \/§a3.

(M3 101 -2019) Cho khbi ling tru dimg ABC.4'B'C' ¢6 day 1a tam giac déu

Cau 62:
canha va AA'=~/3a(minh hoa hinh v& bén). Thé tich khéi ling tru da cho bang.
A’ ¢’
B'
A C
B
3 3 3 3
AL B. L. c.3%. D. 3¢
4 2 4 2

(P& Minh Hoa 2020 Lén 1) Cho khdi lang try dimg ABCD.A'B'C'D’ c6 day 1a hinh thoi canh

Cau 63:
a, BD = a3 va AA' =4a (minh hoa nhu hinh bén). Thé tich cua khdi lang tru d cho bang
J‘l: Di
B e
i:ﬁf ___________________ D
Y C
2 3 4 3
A. 243d°. B. 434’ C. 33a . D. ‘Ea .

Ciu 64: (Ma 104 2017) Cho khéi lang tru ding ABC.A'B'C’' c¢6 day ABC 1a tam giac can voi
AB=AC=a, BAC =120°. Mit phang (AB'C") tao voi ddy mot goc 60°. Tinh thé tich V' cua
khdi lang tru da cho.

3 3 3 3
Ay =L B. v =% =% D. 7 =%
8 8 8 4
Céu 65: (Ma 101 2018) Cho khdi lang tru ABC.A'B'C’, khoang cach tir C dén duong thing BB’ bing

2, khoang cach tir 4 dén cac duong thang BB’ va CC' lan luot bang 1 va V3 , hinh chiéu

243

vudng goc ciia 4 1én mit phang (A'B'C’) 1a trung diém M cua B'C' va A'M :T?’. Thé tich

ctia khdi lang tru dd cho bang
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Cau 66:

Cau 67:

Caiu 68:

Cau 69:

Cau 70:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A. 2 B. 1 Cc.\B D. —Zf

(M4 103 -2018) Cho khéi ling tru ABC.A'B'C", khoang cach tir C dén duong thang BB' bang
2, khoang cach tir A4 dén cac duong th'fmg BB' va CC' lan luot bﬁng 1va \/§ , hinh chiéu vuong
goc cua A lén mat phéng (A'B'C") latrung diém M cua B'C' va A'M =2 . Thé tich cua khéi
lang tru da cho bﬁng
A. 23

3

(M3 102 2018) Cho khéi ling tru ABC.A'B'C’, khoang cach tir C dén BB' 1a /5, khoang cach
tir A dén BB' va CC' lan luot 1a 1; 2. Hinh chiéu vudng goc ciia 4 1én miat phang A'B'C' 1a

B. 1 C. 3 D. 2

trung diém M cua B'C', A'M = g Thé tich cua khéi lang try da cho bang
A. # B. /5 C. # D. @

(M3 104 2018) Cho khdi ling tru ABC.A'B'C". Khoang cach tir C dén dudng thing BB’ bang
J5 , khoang cach tir 4 dén cac dudng thang BB’ va CC' lan luot bang 1 va 2, hinh chiéu
vudng goc clia A 1én mit phang (4'B'C’) 1a trung diém M ciia B'C' va A'M = J5. Thé tich
ctia khdi lang tru di cho bang

A5 B.? C.# D.@

(D& tham khéo 2017) Cho khéi ttr dién co thé tich bang V. Goi V' 1a thé tich ctia khéi da dién

co cac dinh la cac trung di€m cua cac canh cua khoi tir dién da cho, tinh ti s6 7

r_1 1
yo2 Vo4 Y3 v o8’
(P& minh hoa lan 1 2017) Cho tr dién ABCD c6 cac canh AB, AC va AD dbi mot vuong
gbéc voi nhau; AB=6a, AC=7a vaAD =4a.Goi M ,N , Ptuong ing la trung diém cac canh
BC,CD,DB. Tinh thé tich ¥ ciia to dién AMNP .

A. V=%a3 B. V =144’ C. V=?a3 D.V="7a

r_1 c. .2 ro_s
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KHOI PA DIEN
THE TICH KHOI PA DIEN

BAI 3. THE TiCH KHOI PA DIEN

@ HE THONG BAI TAP TRAC NGHIEM.

Cau 1:

Cau 2:

Cau 3:

BAI TAP TRAC NGHIEM TRiCH TU PE THAM KHAO VA PE CHINH THUC
CUA BOQ GIAO DUC TU NAM 2017 PEN NAY

(MD 101-2022) Cho khéi lang tru c6 dién tich ddy 34> va chiu cao 2a. Thé tich khéi ling tru

da cho bang

A a’. B. 6a’. C.3a’. D. 24°.
Loi gidi

Chon B

Thé tich khéi lang try da cho 1a: V = B.h=3a*2a = 64°.

(MD 101-2022) Cho khdi chop S.4ABC co chiéu cao bang 3, day ABC c6 dién tich bang 10.
Thé tich khdi chép S.4ABC bang

A 2. B. 15. C. 10. D. 30.
Loi giai

Chon C

Thé tich khéi chop S.ABC 1a: V . = % S e h= %103 =10.

(MD 102-2022) Cho khdi chop S.4BC co chibu cao bang 3, day ABC c6 dién tich bang 10. Thé
tich khéi chép S.4BC bang
A. 15. B. 10. C.2. D. 30.
Loi giai
Chon B

Ta ¢6: V; 0 = %SAABC.h - %.10.3 =10.

(MBD 102-2022) Cho khéi lang tru c6 dién tich ddy 34> va chiu cao 2a. Thé tich khi lang try

da cho bang

A. 3d’. B. 6a’. C. 24", D. a’.
Loi giai

Chon B

Vr=Bh=3d’2a=6a".
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Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

(MD 103-2022) Cho khdi chop S.4ABC c6 chibu cao bing 5, ddy ABC c6 dién tich bang 6.
Thé tich khéi chép S.ABC bing
A 11, B. 10. C. 15. D. 30.
Loi giai
Chon B

Ta c6 thé tich khéi chop S.4BC la: V = %.5.6 =10.

(MD 104-2022) Khdi chép S.ABC co chiéu cao bing5, ddy ABC cb dién tich bang 6. Thé
tich khdi chop S.4BC bang
A. 30. B. 10. C.15. D. 11.
Loi gidi
Chon B
X o A 1 s 1 1
Thé tich khoi chop Vg - = E.SAABC.h = 5.6.5 =10.
Tam giac B'BC vudng cén tai B'nén B'BC =45°.
(MD 103-2022) Cho khéi chop va khéi lang tru c6 dién tich day, chiéu cao twrong Gmg bing nhau

, \ Voo
va c6 theé tich lan lugt 1a ¥V;, V,. Ti s0 7‘ bang
2

Az B.3. c.2. DL
3 2 3
Loi giai
Chon D
pn
Taco L=3 =,
Vv, Bh 3

(M 104-2022) Cho khéi chop va khdi lang tru cé dién tich day, chiéu cao twong tmg bang nhau

\ r Ao A B . A V M
va co thé tich lan lugt 1a 7}, V, .Ti s0 71 bang

2

A.

=

W | N
W | =

B. 2 C. 3.
2
Loi giai

Chon D

=<

1
Ta co: ¥ =%Bh va V, =Bh. Suyra —1=§.

R

(MBD 101-2022) Cho khbi ling try ding ABC.A'B'C' ¢6 day ABC 1a tam giac vudng cén tai
A, AB =2a. Géc giita duong thang BC' va mit phang (4CC'A’) bang 30°. Thé tich cua khéi
lang tru di cho bang:

A. 3d. B. &', C. 12424, D. 424,

Loi giai
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Chon D
ar c
A c
 ABLAC »
Ta co: = AB 1 (ACC'A")
AB | AA'

Suy ra goc gitra duong thing BC' va mit phiang (ACC'A’) bang goc giita duong thang BC' va
duong thang AC' = AC'B =30°

Taco AC' =B =230 = AA' =~124* —4a* =224

tan 30°

1
Vay Ve oge =S pe-AA = 5.261.20.26(1 = 4\/5513

Cau 10:  (MD 102-2022) Cho khéi ling tru 4BC.A'B'C’ ¢6 ddy ABC la tam gidc vudng can tai 4,
AB =a. Géc giira duong thing BC' va mit phing (4CC'A') bang 30°. Thé tich cua khéi lang

tru da cho bang

2 2
A. la3. B. Ea3’. C. icf. D. £a3
8 8 2 2
Loi giai
Chon D
B' C'
A7
. \ """"""""" ‘
A
(BALAC - .
Ta co6 nén B4 L (ACC'A’) suyra (BC',(ACC'A')) =BC'A=30°.
BA 1 AA'

Khi do AC' = — 24 O —aV3 suyra A4 =\AC?~ 4 C" = [(a\3) ~a* =a2.

tan BC'A  tan30°
N
—a |.

2

Thé tich khdi lang try da cho 13 V. pe = AA'S . = a2 %az =

Céau 11:  (MBD 103-2022) Cho khdi lang tru dimg ABC.4'B'C' ¢6 ddy ABC la tam giac vudng can tai A
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Cau 12:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

, canh bén A4’ =2a, gbc giita hai mit phang (4'BC) va (ABC) bang 30°. The tich cta khoi

lang try da cho bang:
A. 24a’. B.3a C. 8a’. p.3s,
3 9
Loi giai
Chon A
A c’
\‘- \\\ B'

Goi M 1a trung diém ctia BC.Khi d6, AM 1 BC ma BC 1L AA' nén BC L(A'AM).
Do dé, goc giita hai mit phing (A4'BC) va (ABC) 1a goc A'MA nén A'MA=30".

Taco: AM = tA;(l)O =2a+/3; BC=24AM =443 suyra S, :%AM.BC:12a2.
an

Vay Ve ppe = AA'S 15 = 240’

(MD 104-2022) Cho khdi ling tru dimg ABC.A'B'C' c6 day 1a tam giac ABC vudng can tai
A, canh bén A4'=2a, géc giita hai mit phing (A4'BC) va (4ABC) bang 60°. Thé tich khéi
lang try da cho bang
A. §a3. B. 8a’. C. §a3. D. 24a’.
9 3
Loi giai
Chon C
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Cau 13:

Cau 14:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

B'

Pit AB = AC =2x,x>0.Goi G 1a trung diém canh BC

Taco AABC vuodng can tai 4 nén BC = 2x/2 va AG =x~/2 va AG L BC

Do ABC.A'B'C' 1 lang try dimg nén AA' L (A4BC)

Suyra AG la hinh chiéu cia 4'G 1én mit phang (ABC )

Suyra A'G L BC

Vay goc giita hai mat phang (4'BC) va (4BC) bing (4G, A'G) = £A'GA = 60°

V3 a6

Xét AABC vudng tai 4 tacd: AG = A' A.cot 60° <:>x\/§=2aT<:>x= 3

Vay thé tich khéi lang tru dd cho 1a ¥ = %AB.A C.AA' = %( 3

2
2a\/g] 8a’
3 2a=

(TK 2020-2021) Mot khéi chop co dién tich day bang 6 va chiéu cao bang 5. Thé tich cua khoi
chop d6 bang
A. 10. B. 30. C. 90. D. 15.
Loi gii

Z ., o1 1x 1 - A , 2 N 6x5
The tich khoi chop la: ES xh voi § = dién tich day, & = chi€u cao nén V' =——=10.
(TK 2020-2021) Thé tich ciia khdi hop chir nhat c¢6 ba kich thude 2;3;7 bang
A. 14. B. 42. C. 126. D. 12.

Loi giai
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Thé tich cAn tim 1a V =2-3.7 = 42.
(TK 2020-2021) Cong thtrc tinh thé tich ¥ cua khdi non c6 ban kinh ddy » va chidu cao & 1a:
A. V =nrh. B. V =zr’h. C.V= %mﬂh. D. V= %ﬁl"zh.
Loi giai
, 1,
Taco: V=—nrh.
3
(MD 101 2020-2021 — POT 1) Cho khdi chop co dién tich ddy B =5a> va chiéu cao h=a.
Thé tich khéi chép da cho bang
A. éa3. B. 2(13. C. 54q°. D. =4’
6 2
Loi giai

Ta c6 thé tich khéi chop 1a V = %Bh = §a3 .

(MD 102 2020-2021 — DOT 1) Cho khbi chop c6 dién tich ddy B =3a’ va chidu cao h=a.
Thé tich cta khéi chop di cho bing

A2 B. 3a’. c.la Q.I
2 3
Loi giai
1 3
V=—Bh=a
3
(MD 102 2020-2021 — DOT 1) Thé tich khdi 1ap phuong canh 44 bing
A 64d’. B. 324°. C. 164" D. 84.
Loi giai
Taco: V= (4(1)3 =64a’.
(MD 103 2020-2021 — POT 1) Cho khéi chop c6 dién tich ddy B =7a” va chiducao h=a.

Thé tich cta khéi chop di cho bing
A Lg B. La. C. D. 7a’.
6 2

Ta c6 thé tich khéi chép ¥ = %Bh - %.7(12.(1 _ %cf.

(MD 103 2020-2021 — DOT 1) Thé tich khdi 1ap phuong canh 3a bing
A. 27a’. B. 3a’. C.9a’. D. a’.
Loi gii

Thé tich khéi lap phuong canh 3a 13: V = (3a)’ =274°

(MD 104 2020-2021 — DPOT 1) Thé tich ctia khdi 14p phuong canh 2a bang

A a. B. 2a’. C. - D. 4a’.
Loi giai
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Taco V = (2a)3 =8a’.

(MD 104 2020-2021 — POT 1) Cho khbi chop cé dién tich day B =8a> va chiéu cao h=a.
Thé tich ctia khdi chép di cho bang

A. 8a°. B. §a3. C. 4a°. Q..

Loi gidi
Thé tich ctia khbi chop c6 dién tich day B = 84> va chidu caoh = a la:

V= lB.k :l.Saz.a = §a3
3 3 3

(MID 103 2020-2021 — DPOT 2) Cho khdi tru c6 dién tich day B = 24* va chiéu cao s =a. Thé
tich ctia khéi tru di cho bang

1
A2y B. . C. —d. Q..
3 3
Loi gii
Thé tich khéi tru 1a V = Bh=2d*.a =2a’.

(MID 2020-2021 — POT 2) Cho khdi lang tru c6 dién tich day B =4a” va chiéu cao i =a. Thé
tich cuia khéi lang tru dd cho bang

4
A 2o B. C.—a. D. 24°.
3 3
Loi giai
Thé tich cta khéi lang tru di cho bang V = Bh=4a>.a=4ad’.
(TK 2020-2021) Cho hinh chép S.4BC c¢6 day ABC la tam giac déu canh a, canh bén S4

vudng goc v6i mit phing day, goc gittu S4 va mit phiang (SBC ) bing 45° (tham khao hinh
bén). Thé tich cta khéi chop S.4ABC bing

D. &,
4

3
AL B. 2%
8

Loi gidi

Goi M 1a trung diém BC thi AM 1 BC va SA L BC nén BC L (SAM). Ti day dé thiy goc
a3

can tim 1a o = ASM = 45°. Do d6, SAM vuéng can & A va SA= AM = >
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

1 a\/§ azx/g_cf

3 2 4 8

Cau 26:  (MD 101 2020-2021 — POT 1) Cho khdi hop chit nhat ABCD.A'B'C'D’ ¢6 déay 1a hinh vudng,
BD =2a, géc giita hai mit phing (A'BD) va (ABCD) bang 30°. Thé tich ciia khdi hop chir

nhat di cho bang
23 23
A. 6\/5613. B. TCIB . C. 2\/§a3. D. Td3
Loi giai
Ar D-’
B" ‘,"‘ i “‘\ C"
Ai:---.-.‘": ....................... D
e ‘\\\3\(]&
Al
Bl ~Lé

Goi ¢ 1a géc gitra hai mit phing (4'BD) va (ABCD).
Goi O0=ACNBD.

AOLBD —
Tacos = "~ =AO0LBD=¢=(40;4'0)=A04 =30
AA' L BD

Ta c6 day ABCD 14 hinh vuéng ¢6 BD =2a = AB = AD =a+/2 .

Ta co AO:lAC:lBD=a.
2 2

a3

Trong AAOA' c6 AA' = AO.tan30° =

Vay thé tich kh6i hop chir nhat ABCD.A'B'C'D' 1a:
ax/§ 5 2\/§a3
—2a" =———.
3 3
Cau27: (MD 102 2020-2021 —DQT 1) Cho khdi hop chit nhat ABCD.A'B'C' D' c6 day la hinh vudng,
BD = 4a, goc giita 2 mit phiang (A 'BD),(ABCD) bang 30°. Thé tich cuia khdi hopchit nhat da
cho bang:

. #cf . B. 48/3a°. C. - D. 16V34a°.

Loi gidi

—_— 4 —_—
VABCD.A’B’C’D’ =44 'SABCD -
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Cau 28:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ B’

Goi Ola tam cua hinh vuéng ABCD, tir gia thiét ta c6

AC=4a,4B="% 242 = 40=24.5 .., :(2aﬁ)2 ~ 84

7

ABCD la hinh vuéng = 40 1 BD

Ta co:

AO L BD —
= BD 1 (A4'40)=BD 1 A'0 = ((4'BD),(ABCD))=A4'04

AA' L BD(gt)

(tam giac A'OA vuodngtai A)

Tir gia thiét = 404 = 30° = tan 30° = 414 = a3, 203
AO 3 3
: 2a\3 16334’
=V iscoapcr =A"AS yep = T.8a2 = T

(MD 103 2020-2021 — POT 1) Cho khdi hop chir nhat ABCD.A'B'C'D' ¢6 day 1a hinh vudng,
BD =2a, géc giita hai mat phang (A'BD) va (ABCD) bang 60°. Thé tich ctia khdi hop chit
nhat da cho bing

A. %a? B. 63/3a°. C. %a? Q..

Loi gidi
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Cau 29:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A B
m
I
1
1
o
1
1
1
1
1} HE
D — (el
| \
H 1
/ ! \
1 ' \
! \ v
1
J’ ! ‘\
i : \
i ! 1
! [
! v
,I‘ A
..... L
~ o i)
/ AT 600 - B
i ~
I
’ -
r -
! .
] 0
N -

Tacé BD=+2A4D = AD =+2a,nén S ., =(N2a)* =2a* va 04 = %BD =a.
Goi O 1a trung diém cua DB

, AOLBD  ——
Khi do, ta co — ((A"BD);(ABCD)) = (A4'0; A0) = A'OA = A'OA =60

A'O 1L BD

( Vitam gidc A'AO vudng tai 4 nén 4'04 1a gbc nhon)

Xét tam gidc 4' AO cb tanm:%:AA':AO.tansz\A:a.tan60° =a\3.

Vay Vipepapop = AA4'S yep = V324" =2\3a’.

(MD 104 2020-2021 — DQT 1) Cho khéi hop chit nhat ABCD.A'B'C'D’ c6 day la hinh vudng,
BD =4a, goc giita hai mat phang (A'BD) va (ABCD) bang 60°. Thé tich cua khdi hop chir
nhat da cho bang

1643

a . 2.-
3

A. 4834°.

B. #cﬁ C.

Loi giai

B’ 1

Dit x= AA", AB= AD = a\/8
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Cau 30:

Cau 31:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

N3 d(A,(4'BD)) ' N
Ta co: TZSIH((A BD),(ABD)) :W: d(A,(A BD))=72CI = Cl\/g
\ \ n " . N 1 1 1 1
Vi ABDA'la tam dién vudng tai Anéntacod: — =—5+—+— > x=avl2
3a 8a~ 8a® «x

VAY V pepspen = aN12.ax/8.a:/8 =16+/34°

(MD 101 2020-2021 — DOT 2) Cho khdi lang tru tam giac déu ABC.4'B'C"' c¢6 canh bén bang
4a, goc gitra hai mit phang (4'BC) va (ABC) bang 30°. Thé tich cua khoi ling tru da cho

bang

A. B, O3 o O3 p, 843 s
3 27 9

Loi gidi

Goi M 1a trung diém cua BC . Khi d6 ((A'BC);(ABC)) = A'MA=30".

Trong tam giadc vuong A'MA co:

tan AMA=22 o a =Y A =4Ba
AM tan 30
AB\3

Tam gidc ABC déunén: AM = — < AB=8a

_(8a)'\3

Vay thé tich khéi lang try: V' =S, .. A" A = e 643’

(MD 103 2020-2021 — POT 2) Cho khéi lang tru tam giac déu ABC.A'B'C’ ¢ canh bén bang
2a, gbc giita hai mt phang (A'BC) va (ABC) bang 60°. Thé tich cua khoi lang tru da cho
bang

A. %&. g.- C. %f. D. 834 .

Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

o

ar

. 2 BC 1 AM
Goi M 1a trung diém cia BC = = BC 1L AM.
BC 1 A4

BC L AM
Taco { BC L A'M = ((4'BC),(4BC))= AMA=60°.
(4'BC)\(4BC)= BC
A4

3 . . ——
N7 Xét tam giac A'AM vudng tai A=>tan A'MA = I

4aj2_£:4a2\/§

BétAB:x(x>O):>AM: 5
3x 4q
=8, .=|—
ABC ( 4 9

& AM . tan60°=A'4 < —=2a & x=—
2 3 3

4a2\/§ B 8a3\/§

9

Vay thé tich khoi lang tru dd cho 1a V. 1y = AA'S 0 = 2a. 5

Cau 32: (MD 104 2020-2021 — PQT 2) Cho hinh ling tru tam gidc déu ABC.4A'B'C' ¢6 canh bén bang
4a, gbc giita hai mit phing (4'BC) va (ABC) bang 60°. Thé tich khoi lang tru da cho bang

64v3 a4, D. 6434°.

A. B SV, c. 23
- 27 3
Loi giai
A' C!
A X<

+Goi x (x>0) 12 do dai canh tam giac déu ABC va [ 1a trung diém cua BC.

Suyra: BC 1L Al va BC L A'I.
= Goc gifta hai mit phing (A4'BC) va (ABC) 1a goc AIA = 60°.
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

X\/_ \/_ 8a

+ Xét AA'AI vudngtai 4 co: Al = AA’cot60°c>——4 T@x—?

2
Vay thé tich khoi lang tru 1a: ¥ = S, .44 = (%“j .§.4a = @cﬁ :
(TK 2020 Lan 2) Cho khdi chép c6 dién tich diy B =3 va chiéu cao 4 =4 . Thé tich caa khéi
chop da cho bang
A. 6. B. 12. C. 36. D. 4.

Loi gii
Chon D

Ta c6 cong thirc thé tich khdi chop V = %.B.h = %.3.4 =4.

(M4 101 - 2020 Lan 1) Cho khéi chép c6 dién tich ddy B =6 va chiéu cao 4 =2. Thé tich cta
khéi chop di cho bang:
A. 6. B. 3. C. 4. D. 12.

Loi giai

Chon C

Thé tich ctia khdi chép V' = %Bh =4

(M3 102 - 2020 Lan 1) Cho khéi chop cé dién tich day B =3 va chiéu cao % = 2. Thé tich khoi
chop da cho bang
A. 6. B. 12. C.2. D. 3.

Loi giai

Chon C
X . Lo 4o e~ . 1 1
Theé tich khoi chop dachola V' = EBh = 5.3.2 =2.

(M4 102 - 2020 Lan 2) Cho khéi chop co6 dién tich day B = 6a” va chiéu cao 4 =2a. Thé tich
khéi chop di cho bang:
A.2a’. B. 4a’. C. 6a’. D. 124°.

Loi gii

Chon B
V=—Bh=—6a"2a=4a
3 3

(Pé Minh Hoa 2017) Cho hinh chép tir gidc S.ABCD c6 day ABCD 1a hinh vuéng canh a,
canh bén S4 vudng géc v6i mat phing ddy va SA=a+2. Tinh thé tich ¥ cua khéi chop
S.ABCD

V20 _ Y2 C. V= 2d _Y2d
6

AV = B.V = D. V=

4 ’ 3
Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Chon D

D,

Ta c6 SA L (ABCD)=> SA 1a dudng cao cua hinh chop

3
Thé tich khdi chop S.ABCD : V/ :%SA.SABCD = %.a 2a°=2 ;/5 :

CAu 38: (M4 105 2017) Cho khéi chop S-ABC ¢4 SA vueng goc véi day, SA=4, AB=6 BC=10
va CA=8 Tinh thé tich V cua khéi chép S-ABC
A V=32 B. V=192 C. V=40 D. V=24
Loi giai
Chon A

Tacé BC* = AB>+ AC” suyra AABC vudngtai A S,, =24,V :%SABC.SA:?Q

Cau 39: (Mai 104 2017) Cho khéi chép tam gidc déu S.ABC c6 canh day bang @ va canh bén bang 2a
. Tinh thé tich V' cta khéi chop S.ABC.

3 3 3 3
A.V:*/ﬁ“ B. = Ylila C.V:‘/E“ D.V=*/ﬁa
6 4 12 12
Loi giai
Chon D
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Do day 1a tam giac déu nén goi / 1a trung diém canh BC, khi d6 Al 1a dudng cao cta tam

2
/ 3
gidc day. Theo dinh 1y Pitago ta c6 Al =,|a’ —% = i, va A0 = gAI = 2473 = ay3

2 3 32 3
2
Trong tam giac SOA vudng tai O tacod SO =,|4a’ 4 \/\l/_%a :

a3 Nl _ila

11
320 2 3 12

Cau 40: (Dé Tham Khao 2019) Cho khéi chop tir gidc déu c6 tit ca cac canh bang 2a . Thé tich cua

Vay thé tich khéi chép S.ABC 1a V =

khéi chop di cho bang
3 8 3 3 3
A 2424 B. sa” C. 824 D. 424
3 3 3 3
Loi gii
Chon D

Goi hinh chép tr gidc déu co tit ca cac canh bang 2a 1a S.ABCD va I tim cua day ta co:

SA=SC=BA=BC=DA=DC = ASAC = ABAC = ADBC = ASAC;ABAC;ADAC lan luot
vuong tai S,B,D.

I 1a trung diém cta AC suyra S/ =%AC :%Za.ﬁ =a\2

1 1
VS,ABCD = ESABCD Sl = g(za)z .a\/_ =

4\/5(13
3

Cau 41: (Mai 123 2017) Cho khéi chép tir giac déu co canh day bang 4, canh bén gip hai lan canh day.
Tinh thé tich V cta khéi chop da cho.

3 3 3 3
A.V:ﬁ” B.V=\/Ea c.V=ﬁ“ D.V:‘/ﬁa
2 2 6 6
Loi gidi

Chon D
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Cau 42:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Chiéu cao ciia khoi chop: SI =+/SA* — AI* =

1 1 a\/ﬂaz_\/ﬂf

Thé tich khéi chop: V = 35S me0 =3 .

(M3 105 2017) Cho khdi chop S.ABCD cé day 1a hinh vuéng canh a4, SA vudng goc v6i day
, ) . 2 , .
va khoing céch tir A dén mit phang (SBC) bang % Tinh thé tich ctia khéi chép d cho.

NEYA

9

3 3
AL B. &° C. p. L

3 2
Loi gidi

Chon A

Tacd BC L AB,BC L SA= BC L AH.Ké AH 1L SB= AH 1(SBC).

a2
Suyra d(A;(SBC))=AH=——.
yr d( (58C) - At -2
. . . 1 1 1
Tam giac SAB vudng tai A co: s=——+—5=>5A=a.
AH® SA® AB
. 1 a’
Vay Vpep =§SA'SABCD = ?
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Cau 43:

Cau 44:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

(M3 110 2017) Cho khéi chép S.ABCD c6 day ABCD 14 hinh chit nhit, AB=a, AD=a3,
SA vudng goc voi mit phang ddy va mit phing (SB C ) tao voi ddy mot goc 60° . Tinh thé tich
V ciia khdi chop S.ABCD .

3 3
3a C.V=4 D.V:%

A. V=34 B.V= 3

Loi giai

Chon.C

Taco S p0p = NEYS

(SBC)~(4BCD)=BC
Vi {BC LSBCc(SBC) = ((SBC),(ABCD))=(SB; AB)=SBA.
BC 1 AB < (ABCD)

Vay SBA =60’

S4

Xét tam giac vuong SAB co: tan 60° = B — SA = AB.tan 60° = a+/3

1 1
V&Y Ve =5 Sineo-54 = Eaz 3a3=d’.

(Ma 123 2017) Cho hinh chop S.ABCD c6 day la hinh vuong canh 4, SA vuong goc voi day,
SC tao v6i mit phing (SAB) mét goc 30°. Tinh thé tich khéi chép S.4BCD

3 3 3
A2 B. J2a C. J6a D. \24°
3 3 3
Loi gidi
Chon B
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

+) Do ABCD Ia hinh vuéng canh anén: S, = a’

+) Ching minh dugc BC 1 (SAB)=> géc gilta SC va (SAB) a CSB =30’

+) Pit SA=x=SB=+x’+a*. Tam gia&c SBC vudng tai B nén

tan CSA = tan 30° :%:1;—2

Ta duoc: SB=BCV3 oVx?+a® =a3 = x=a2 .
) 1 \/_

Vay VSABCD 3 S ABCD a\/7

Cau 45: (P& Minh Hoa 2017) Cho hinh chép tir gidc S.ABCD c6 day la hinh vudéng canh bing V2a.
Tam gidc SAD cén tai S va mit bén (S4D) vudng géc voi mit phiang ddy. Biét thé tich khéi

chop S.ABCD bang %cf. Tinh khoang cach 4 tir B dén mit phing (SCD)

2 4
A.h=ia B. h=—a C.h=—a D.h:§a

4 3 3 3

Loi giai

Chon C
Goi I 1a trung diém ctia 4D . Tam gidc SAD can tai S S
=8I 1L AD AN

SI 1 AD [N\
Ta 6 = SI L (ABCD) Fe oL x .

(S4D) L (ABCD) ' By

wl i A N
= S1 1a dudng cao cua hinh chop. [ \\ e
/ //f //

Theo gia thiét Dﬁ —

Vs asep = %'SI'SABCD = %Cf = %Sl.zaz < ST =2a

Vi AB song song v6i (SCD)
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Cau 46:

Cau 47:

Cau 48:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
= d(B,(SCD))=d(4,(SCD))=2d(I,(SCD))

Goi H 1a hinh chiéu vuong goc ctia I 1én SD .

SI L DC IH 1 SD
Mit khac o= 1H LDC. Taco C:>]HJ_(SCD):>d(I,(SCD))=IH
Xét tam gidc SID vuong tai [/ : 12= 12+ 12= 12+ 42:>IH=2—a
IH* SI* ID* 4d° 2a 3

= d(B.(SCD))=d(4,(SCD))=2d(1,(SCD))= §a .

(Pé Minh Hoa 2017) Cho tir dién ABCD c6 cac canh AB, AC va AD d6i mot vudng goc voi
nhau; AB=6a, AC=7a vaAD=4a.Goi M ,N,Ptuong Gng la trung diém céc canh BC,
CD, DB. Tinh thé tich ¥ ctia tir dién AMNP .

2
A V=174 B. V =144’ C. V=?8a3 D. V:%cf
Loi giai
Chon A
D
AN
/ s
/ p / 4 ;'-:I“B
c
, 1 1 1 3
Taco V,yp==—AB.—AD.AC=—6a.7a.4a =28a
3 2 6
1 1 1 3

Ta nhan thiy S, = ESMNPD = ZSBCD =V = ZVABCD =Ta".

(M4 101 - 2019) Thé tich khéi lang tru c6 dién tich day B va co chiéu cao 4 1a

A. Bh. B. gBh. C. %Bh. D. 3Bh.
Loi giai

Chon A

Thé tich khdi lang tru ¢6 dién tich ddy B va c6 chidu cao h 1a: V = B.h.

(P& Minh Hoa 2020 Lan 1) Cho khéi 1ap phuwong c6 canh bang 6 . Thé tich ctia khdi 1ap phuong
da cho bang
A. 216. B. 18. C. 36. D. 72.

Loi giai

Chon A
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Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Thé tich khéi 1ap phuong c6 canh bang 6 1a V =6’ =216.

(Pé Tham Khao 2020 Lén 2) Thé tich khéi 1ap phuong canh 2 bang

A. 6. B. 8. C. 4. D. 2.
Loi gii

Chon B

Thé tich khéi 1ap phuwong canh a 13 ¥V =a°.

Vay thé tich khoi 1ap phuong canh 2 1a: V' =2° =8

(M4 101 - 2020 Lan 1) Cho khdi hop chit nhat c6 3 kich thude 3;4;5. Thé tich cua khéi hop da
cho bang?
A. 10. B. 20. C.12. D. 60.
Loi giai
Chon D

Thé tich ctia khdi hop di cho bang ¥ =3.4.5=60

(M4 102 - 2020 Lan 1) Cho khéi hop hinh chir nhat ¢6 ba kich thude 2; 4; 6 . Thé tich ctua khéi
hép da cho bing
A. 16. B. 12. C. 48. D. 8.
Loi gii
Chon C

Thé tich ciia khdi hop da cho bang 2.4.6 = 48.

(M4 102 - 2020 Lan 2) Cho khdi ling tru c6 dién tich ddy B =3 va chiéu cao 4 =2. Thé tich
ctia khdi lang tru di cho bang
A. 1. B. 3. C.2. D. 6.
Loi gii
Chon D
& Thé tich khdi lang trula ¥ =Bh=32=6.

(M3 103 2018) Cho khéi ling tru c6 day 1a hinh vudng canh @ va chiéu cao bang 4« . Thé tich
ctia khdi lang tru di cho bang

A. 164° B. 44° C. ?cf D. -4’

Loi giai
Chon B
V=S h=a4a=4a’.

day

(M3 104 2018) Cho khéi ling tru c6 day 1a hinh vudng canh @ va chiéu cao biang 2a. Thé tich
ctia khdi lang tru di cho bang

A. %aS B. %aS C. 2d° D. 44’

Loi giai
Chon C
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Taco: V, =S h=a*2a=2da.

langtru day

Ciau 55: (Ma 102 -2019) Cho khéi lang tru ding ABC.A’'B'C’ c6 day la tam gidc déu canh a va A4’ =2a
(minh hoa nhu hinh v& bén).
A’ "

Thé tich cta khéi lang tru di cho bang

3 3 3
A. V3a . B. V3a . C. \3d. D. 3a .
2 6 3
Loi giai
Chon A
A C
BV

a’\3

Tam giac ABC déu canh a nénS, ;o =——

Do khéi lang try ABC.A’'B’C’ 14 ling tru dimg nén dudng cao cia ling tru la 44’ =2a

2 3
Thé tich khéi ling tru 1a V = A4S, 50 = 2a.2 f - ‘/52" .

Cau 56: (D& Minh Hoa 2017) Tinh thé tich ¥ cta khéi 1ap phuong ABCD.A'B'C'D’, biét AC' = a3 .

3\/8613
4

AV =4 B. V= C. V=334 D.V=%a3
Loi giai

Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

B C

A D’
Gia sir khi 1ap phuong c6 canh bang x;(x > 0)
Xét tam gidc A'B'C' vudng can tai B' ta co:
A'C?=A'B"+B'C? =X +x’ =23 = A'C'=x\2
Xét tam gidc A'AC' vuong tai 4'ta co
AC? =A'"A+A'C” ©3a’ =x"+2x" & x=a
Thé tich cua khéi 1ap phwong ABCD.A'B'C'D'1a V =a’.
Cau 57: (P& Tham Khao 2019) Thé tich ciia khdi 1ap phuong canh 2a bing
A. 8a’ B. 24’ C.a D. 64’
Loi giai
Chon A
Thé tich cta khdi lap phuong canh 24 bang: V = (2a)3 =8a’

Cau 58: (Ma 104 2019) Cho khdi lang tru ding ABC.A'B'C' c6 day la tam gidc déu canh a va
AA'=+/2a (minh hoa nhu hinh v& bén duéi).
A’ C’

/

Br

Thé tich cua khéi lang tru da cho bang

A Joa® B Joa® C Joa® b Joa®
N TR e TR
Loi giai

Chon B
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Vay thé tich cta khdi lang tru di cho 1a

&5 5 a'\e

Viscase = Sapc-AA' = 4 -a 4

Cau 59: (P& Tham Khio 2017) Thé tich ciia khdi ling try tam giac déu c6 tat ca cac canh bang a .

3 3 3 3
Ay =Y B.V:aﬁ c.Vz‘“B D.V:aﬁ
12 2 4 6
Loi giai
Chon C
h=a
a3
2 =V=hS= .
S:a\/§ 4
4

Céu 60: (Mi 110 2017) Cho khdi ling try dtng ABC.A'B'C’' ¢6 BB’ =a, ddy ABC la tam giac vudng
cantai B va AC =a+/2. Tinh thé tich ¥ cta khéi lang try di cho.

3 3 3
a a

AV =— B.V=— c.v=da D. V="
3 2
Loi giai

Chon B

2

Tam giac ABC vudng can tai B :>AB:BC:£:a. Suyra: S - :%a .

V2
a3
Khi dé: Ve ypo =S pe-BB'=—a".a =5
Cau 61: (Ma 103 2019) Cho khdi lang tru ding ABC.A'B'C' cb day la tam giac déu canh 2a va

AA' =3a (minh hoa nhu hinh v& bén).

A’ o

B'
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Thé tich cta khéi lang tru di cho bing

A. 6\3d°. B. 3V3d’. C. 234 D. 34,
Loi giai
Chon B
. 3 2a)*\/3 )
Khoi lang tru da cho c6 day l1a tam gidc déu co6 dién tich 1a # va chiéu cao la 44'=3a
. 2a)’
(do 1a lang tru drg) nén co the tich la #.&1 =334

(M3 101 -2019) Cho khbi ling tru dimg ABC.4'B'C' ¢6 day 1a tam giac déu
canha va AA'=~/3a(minh hoa hinh v& bén). Thé tich khéi ling tru da cho bang.

" c
B'
A C
B
3 3 3
AL B. L. c. 3% D. 3%
4 2 4 2
Loi giai
Chon C
2
3
Tach STf Ad'=a\3.
f 3a

Trdosuyra V = a3.a° 1

(P& Minh Hoa 2020 Lén 1) Cho khdi lang try dimg ABCD.A'B'C'D’ c6 day 1a hinh thoi canh

a, BD = a3 va AA' =4a (minh hoa nhu hinh bén). Thé tich cua khdi lang tru da cho bang
4’ D
B c
| .
B+ C
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3 3
A. 2434’ B. 43a°. C. 2@“ . D. 4*/35“ .
Loi giai
Chon A
_‘4. D;
B i C’
da i
,L\:’jf _________________ __AD
a .- s It
L7 e Tanv' 3
IRl |
B C
. , BD a3 _, ., . n .
Goi I =ACNBD . Taco: ACLBD,BI:T:T. Xét tam giac vuong BAI vudng tai [ :

AI* = BA* — BI* :az—( >

Dién tich hinh binh hanh ABCD: S ;. =25, ;- = Z.EB[.AC = 2.5

Vay: Vigeo awen =Sapep-AA4' =

Cau 64:

i] o

4

2
, a

2

\/5.4612

4

2\/§a3.

1

:AI:%:AC:a.

1

a*\3

2

a\3
a
2

(M& 104 2017) Cho khéi ling tru dimg ABC.A'B'C’' c6 day ABC 1a tam giac can véi

AB=AC=a, BAC =120°. Mt phing (4B'C’) tao v6i day mot goc 60°. Tinh thé tich V cua

khdi lang tru da cho.

3
A,V:3L
8

Chon A
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A C

Goi H la trung diém ciia B'C’, khi d6 goc giitamp (AB'C") va day 1a goc AHA = 60°.

1 a2\/§

Taco S, ¢ =EAC.AB.sin12O°= 2

B'C'= BC =~ AB* + AC* —2AB.AC.cos120° = \/a2 +at— 2.a.a._71 —a3

=2 8 g ane0o = 93
BC 2 2
3
Vay V =8, ,.5.A4 = 3% .

(M3 101 2018) Cho khéi lang try ABC.A'B'C’, khoang cach tir C dén duong thang BB’ bang
2, khodng céch tir A dén cac duong thing BB’ va CC' lin luot bing 1 va /3, hinh chiéu

23

. . 3 )
vudng goc cua A 1én méat phang (A4'B'C') la trung diém M cua B'C' va A'M == Thé tich
ctia khdi lang tru di cho bang

A. 2 B. 1 C.\3 D.#

Loi giai

Chon A
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A c,

Cit ling tru boi mot mat phang qua 4’ va vudng goc voi A4’ ta duoc thiét dién 1a tam giac
A'BC, ¢6 céc canh A'B =1; A'C,=~/3; BC,=2.

Suy ra tam gidc A'B,C, vudng tai A’ va trung tuyén A'H clia tam giac d6 bang 1.

Goi giao diém cia AM va AH 1aT.

Ta c6: A’M:ﬁ; AH =1 = MH =— . Suy ra MAH =30°.
3 3
Dodé MAA=60°= A4 =M _ 4
cosMA'A \/5

Thé tich khdi ling tru ABC.A'B'C’ bang thé tich khéi lang tru 4'B,C,.AB,C, va bang
_ 4B,

32
(M4 103 -2018) Cho khéi ling tru ABC.A'B'C", khoang cach tir C dén duong thang BB' bang
2, khoang cach tir 4 dén cac duong thang BB' va CC' lan luot bang 1 va NE) , hinh chiéu vuong
goc cuia A 1én mit phiang (A4'B'C") la trung diém M cua B'C' va A'M =2 . Thé tich cia khbi

ling tru d4 cho bang

V=AA'S e

A. # B. 1 C.\3 D. 2
Loi giai
Chon D
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B

Goi 4,4, 1an luot 1a hinh chiéu cia 4 trén BB', CC'. Theo déra AA =1; A4, =~/3; 4,4, = 2.
Do AA’ + AA,* = A A nén tam gidc A4, A4, vudng tai A.

Al A2

Goi H latrung diém 4 A4, thi AH = =1.

Lai c6 MH || BB'= MH 1 (44, 4,)= MH 1 AH suyra MH =\ AM* - AH* =3 .

MH
nén cos((ABC),(AA4A4,)) =cos(MH,AM ) =cos HMA =——= ﬁ
AM 2
— SAAlAz _ A or = \ _ _
Suyra S ;.= =1. Thé tichlangtrula V=AM -S . =2.

cos((4BC),(AA4,4,))
Nhin xét. Y tuong cau nay 1a dung dién tich hinh chiéu S'=Scosa .

(M3 102 2018) Cho khdi ling tru ABC.A'B'C', khoang cach tir C dén BB' 1a J5 , khoang cach
tir A dén BB' va CC' lan luot 1a 1; 2. Hinh chiéu vudng goc ciia 4 1én miat phang A'B'C' 1a

J15

trung diém M cua B'C', A'M = = Thé tich cua khéi lang tru di cho bang

A. & B. /5 c. 2 p. Y15
3 3 3
Loi giai
Chon C
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4

Ké AI L BB', AK L CC' (hinh v&).
Khoang cach tir 4 dén BB' va CC'lanluotla 1;2 = Al =1, AK =2.

Jis Jis

Goi F 1a trung diém ciia BC.A'MzT:AFzT

Al L BB'
Ta ¢6 = BB' L (AIK) = BB'LIK .
BB'1l AK

Vi CC'|| BB' = d(C,BB") =d(K,BB") = IK =5 = AAIK vuéngtai 4.
Goi E la trung diém cua IK = EF || BB' = EF 1 (AIK) = EF 1 AE.

Laicé AM L (ABC).Do d6 goc giita hai mit phang (4BC) va (AIK) la goc gitta EF va AM

V5
bang goc AME = FAE . Ta ¢6 cos@:£=izﬁz>@:30°.
AF 15 2
3
Hinh chiéu vuéng géc ciia tam gidc ABC 1én mit phang (A4IK) 1a A4IK nén ta co:
_ NE) o)
S.x =830 COSEAF =1=8,, — =>—==5,.
AIK ABC ABC 2 \/5 ABC
s
Xét AAMF vudng tai A4: tanA/j\E?=A—F = AM =— = AM =45 .
AM V3
3
2 215
Vay Ve oge =N5—= =22
Y ¥ upc.a'pc \/g 3

(M3 104 2018) Cho khéi lang try ABC.A'B'C'. Khoang cach tir C dén duong thang BB’ bang
J5 , khoang cach tir 4 dén cac dudong thang BB’ va CC' lan luot bang 1 va 2, hinh chiéu
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vudng goc ciia 4 1én mit phing (4'B'C’) 1a trung diém M cua B'C’' va A'M =+/5. Thé tich

ctia khdi lang tru dd cho bang

A5 B. 2Js 215

C.— D. ——
3 3

wﬁ‘
)

Chon D

Goi J, K lan luot 12 hinh chiéu vudng goc cia 4 1én BB’ va CC', H 1a hinh chiéu vudng goc
cia C 1én BB’

Tacé 4J L BB (1).
AK 1 CC'= AK L BB' (2).
Tur (1) va (2) suyra BB' L(AJK)= BB' 1 JK = JK//CH = JK = CH =5 .

Xét AAJK c6 JK* = AJ* + AK* =5 suyra AAJK vudngtai A.

NG

Goi F latrung diém JK khi d6taco AF =JF = FK = -

Goi N latrung diém BC, xét tam giac vuéng ANF ta co:

Vs
cosNAF = _ 2 1 NAF 607 (AN = AM =5 vi ANJIAM va AN = AM ).
AN 5 2
) , 1 1 . Sk 1
Vaytaco S, ==—AJAK =—.12=1=S8,,x =S, pc-€0s60" =S, ;- = —=—=2,
2 2 cos 60

S — 1
Xét tam giac AMA' vuong tai M tac6 MAA'= AMF =30" hay AM = A'M .tan30° =g.

Vay thé tich khoi lang tru 1a V = AM.S, . = T.2 3

(Pé tham khao 2017) Cho khéi ttr dién c6 thé tich bang ¥ . Goi V' 1a thé tich cta khéi da dién

c6 cac dinh 1a cac trung diém cua cac canh cua khoi tir dién da cho, tinh ti s0 7
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L L2 cL-2 p.L-2
2 Vo4 V3 Vo8
Loi giai

A=
14

Chon A

Céch 1. Dic biét hoa tir dién cho 1a t dién déu canh « . Hinh da dién can tinh c6 dugc bﬁng cach

4 . TN X N A 1iA AA . N a
cat 4 gbc cua tur dién, moi goc cling 1a mdt tr dién déu c6 canh bang 3

Do d6 thé tich phan catbo 1a V" = 4.— =

y_v
8 2

3
(Vi voi tir dién canh gidam ntra thi thé tich giam (%} = %)
Vo1

vay =L oL
2V 2

Cich 2. Khéi da dién 13 hai khoi chop tir giac (gidng nhau) c6 cting ddy 13 hinh binh hanh p lai.
111

Suy ra: V' = 2VN.MEPF = 4‘VN.MEP = 4‘VP.MNE = 4521/ = EV

(Do chiéu cao giam mdt nira, canh day giam mot nira nén dién tich giam 4)

'

V—V4i08p-V, 7 —V,
Cich 3. Ta c6 V7: A.QEP — VY BOMF —YC.MNE ~—VD.NPF

4

1 Vager Vowr Vewne  Voaer 1
V V V |14

_ _ _ IR
22 2

| =
N |~

1
>

| =
N | —

1
>

N | =
N | —

1
>

N | =

(Pé minh hoa lan 1 2017) Cho tr dién 4BCD c6 cac canh AB, AC va AD dbi mot vudng
goc voinhau; 4B =6a, AC=7a vaAD =4a.Goi M ,N , Ptuong ung la trung diém céc canh
BC,CD,DB. Tinh thé tich V' cta t& dién AMNP .
A. V:5a3 B. V =144’ C. V=§a3 D. V=74

Loi giai

Chon D
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Taco V :lABguﬂlAC:16a7a4a22&f
ABCD 3 2 6

Ak 1 1 1
Ta nhén thay S,,, = ESMNPD = ZSBCD =V e = Z Viger = 7@’
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN
@ HE THONG BAI TAP TRAC NGHIEM.

PHUONG PHAP CHUNG

THE TiICH KHOI CHOP — KHOI LANG TRU

1. Thé tich khéi chop |V,,,, =~-S.,. chiéu cao| = %-Sdéy. d(dinh; mat phéng ddy )

chép — 3 ddy

2. Thé tich khéiling tru |[V. =35

lng iy — Dagy- Chi€u cao

. Thé tich khéi 1ap phuong [V = a®| + Thé tich khéi hop chit nhat

T

3. Ti s6 thé tich
. Cho khéi chop S.ABC, trén cac doan thing SA, SB, SC lan
luot

liy cac diém A’, B/, ¢’ khac S. Khi d6 ta ludn co ti sd thé tich:
Viuge _ SA SB' SC'

%  SA SB SC

S.ABC

. Ngoai nhitng cach tinh thé tich trén, ta con phuong phéap chia nhod
khéi da dién thanh nhitng da dién nho ma dé dang tinh toan. Sau d6
cong lai.

. Ta thuong dung ti s thé tich khi diém chia doan theo ti 1¢.

4. Tinh chét ciia hinh chép déu

« Pdy la da gidc déu (hinh chop tam giac déu c6 day 1a tam giac déu, hinh chép tir giac déu co day 1a hinh
vudng).

. Chén dwong cao tring véi tam dwong tron ngogi tiép da gidc ddy
. Cdc mdt bén la nhitng tam gidc cin va bang nhau.

. Géc giiva cdc canh bén va mdt ddy déu bang nhau.

. Géc giiva cdc mit bén va mdt ddy déu bang nhau.
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5. Tw dién déu va bat dién déu:
. T dién déu 1 hinh chép c6 tat ca cac mat 1a nhitng tam giac déu bang nhau.

. Bat di¢n déu 12 hinh gdm hai hinh chép tir giac déu ghép trung khit hai day véi nhau. Mdi dinh cia né 1a
dinh chung ctia bon tam giac déu. TAm mit 13 cac tam giac déu va bang nhau.
Néu nbi trung diém cua hinh t dién déu hodc tAm cic mit cua hinh lap phuong ta sé thu dugc mot hinh bat

dién déu.
V

Hinh lang tru dirng va hinh lang tru déu:

. Hinh Ling tru dimng 13 hinh ling try c6 cac canh bén vudng goc voi mit phiang ddy. Do d6 cac mit bén
ctia hinh ling try dtmg 14 cac hinh chit nhat va nam trong mat phang vudng goc v6i miat phang déy.
. Hinh ling tru déu 13 hinh ling try ding c6 day 1a da giac déu.

XAC PINH CHIEU CAO THUONG GAP

a) Hinh chép c6 mt canh bén
vudng goc voi day: Chiéu cao
cua hinh chép 1a d6 dai canh bén
vudng goc voi day.

Vi du: Hinh chop S.ABC ¢6 canh bén s

SA vudbng goc v6i mit phang day, tirc
SA 1L (ABC) thi chiéu cao cua hinh
chop 1a SA.

b) Hinh chdép c¢6 1 mat bén
vudng goc véi mit day: Chiéu
cao ctia hinh chop 13 chiéu cao
cua tam giac chtra trong mat bén
vuong goc voi day.

Vi du: Hinh chop S.ABCD c6 mit
bén (SAB) vudng goc véi mit phang
day (ABCD) thi chiéu cao clia hinh
chop 1a SH 1a chidu cao cua
ASAB.

c) Hinh chop c6 2 mat bén
vudng goc voi mit day: Chidu
cao ctia hinh chép 1a giao tuyén
ctua hai mat bén cung vudng goc
v6i mat phang ddy.

Vi du: Hinh chop S.ABCD c¢6 hai
mat bén (SAB) va (SAD) cung
vuong goc vai mat day (ABCD) thi

chiéu cao ctia hinh chop 1a SA.
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d) Hinh chép déu: Vi_du: Hinh chép déu
Chiéu cao cua hinh chép 1a doan | S.ABCD c¢6 tam da giac day
thang ndi dinh va tim cia day. | 1a giao diém cia hai dudng
Déi v6i hinh chép déu ddy 14 tam | chéo hinh vuéng ABCD thi
giac thi tdm Ia trong tdm G cua | ¢6 dudng cao 1a SO.

tam giac déu.

DIEN TiCH CUA MOQT SO HINH THUONG GAP

a+b+c
5 ;
nira chu vi. Goi R, # lan luot 1a ban kinh dudng tron ngoai tiép va ni tiép cua tam giac ABC. Khi do:

"1 Dién tich tam giac thuwong: Cho tam giac ABC vadat AB=c¢, BC =a, CA=bvap=

1 1 1
= —a,,h, == —b.hb — —C.h
2 "2 2 ¢
1 ) 1, . 1 .
= —absinC = —becsin A = —acsin B
Spase = 2
_abe
AR
= \Jp(p = a)(p — b)(p — ©), (Heron)
1 r . r ~A
tam gidc vuong 9 (tich hai canh goc vuéng).
(canh huyén)’
¢ S tam gidc vuong can = 4 ’
canh)? /3 . .. .. canh+/3
o gidc déu = # = Chiéu cao tam gidc déu = T\/—
] Shinh chirnhat = dai X rONZ VA Shinh vuong = (canh)?.
(ddy 16n + day bé)- (chiéu cao)
O Shinhthang = B )
oS _ Tich hai dudng chéo _ Tich 2 dudng chéo

Td gidc c6 2 dudng chéo vuong géc ~ 9 hinh thoi ~— 2

HE THUC LUQNG TRONG TAM GIAC

1. Hé thirc lwong trong tam gidc vudng
Cho AABC vuéng tai A, c6 AH 1a dudng cao, AM 1a trung tuyén. Khi dé:

x+ BC® = AB* + AC* (Pitago), AH.BC = AB.AC.

+ AB> = BH-BC va AC* = CH - CB. A
1 1 1

% ~=——+——va AH’ = HB- HC.

AH®> AB*> AC
x BC =2AM.
« S . = AB-AC=21.AH.BC. »

2 2 B H M C

2. Hé thire lwong trong tam giac thuong
Cho AABC vadit AB=c, BC =a, CA=b, p= %b*c (nira chu vi). Goi R,  14n luot 14 ban

kinh dudng tron ngoai tiép va noi tiép tam giac ABC. Khi do:
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= b __¢ =2R. A
sinA sinB sinC

* Dinh ly ham sin:

~ ~ 2 2 2
-a2:b2—|—02—2bccosA:>cosA:b+2% y b
c
~ ~ 2 2 g2
*Dinhl)"hz‘lmcos:‘-b2:a2—l—02—2accosB:>cosB:a +26 b ! v a C
ac
~ ~ 2 2 2
e =a’+b*—2abcosC = cosC = w
2ab
AME — AB* + AC”? _ BC*?
2 2 2 42
+ Cong thirc trung tuyén: {« BN* = BA ;BC - A40 :
CA*> +CB* AB?
e CK? = _ A
2 4
M /\ N
* Dinh ly Thales: 2 .
. SAAMN :[AM] :kQ B c
SAABC AB

DANG 1. CANH BEN VUONG GOC VOI PAY

Cau1l:  Cho hinh chép tir gidc S.ABCD c6 day ABCD la hinh vudng canh a, canh bén S4 vudng gbéc
v&i mit phing ddy va SA4 =~/2a . Tinh thé tich khdi chop S.4BCD .
3 3 3
V2a V2a C. o V2a

B. D.
6 4 3

A.

Cau2: Cho hinh chép S.4BC c6 day la tam giac déu canh a, canh bén SA vudng goc vé6i day va thé
3

tich ctia khdi chop d6 bang % . Tinh canh bén S4.

A. # B. &. C. a\3. D. 2a+3.

3

Cau 3: Cho hinh chép S.4BC c6 ddy ABC la tam giac déu canh . Biét S4 L (ABC) va SA=a\3.

Tinh thé tich khéi chép S.4ABC .
3 3 3
AL B. L c L p. 3%
4 2 4 4
Cau4:  Cho hinh chop S.4BC c6 day la tam gidc déu canh o . Canh bén SC vudng goc véi mat phang
(ABC), SC =a. Thé tich khdi chép S.4BC bang
3 3 3 3
a3 g, V2 c o3 p, O3
3 12 9 12

A.

Cau5: Cho ta dién 4BCD cd6 AD vudng goc voi mit phang (4BC) biét ddy ABC la tam giac vudng
tai B va AD =10, AB =10, BC =24 . Tinh thé tich cta t& dién ABCD .
1300

A. V' =1200 B. =960 C. V=400 D. V:T
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Ciu 6:

Cau 8:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:
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Cho hinh chép S.4BC c6 canh bén S4 vuédng goc véi mit phang day (A4BC). Biét SA=a, tam
gidc ABC la tam gidc vudng cantai A, 4B =2qa. Tinhtheo a thétich V' ctakhéi chop S.4BC
a’ a’ 2a’

AV =—. B.V=—. C.V=
6 2 3

D. V=2a".

Cho khoi chép S.4BC c6 ddy ABC 1a tam giéc vudng tai B, AB=a,AC =2a,SA L (ABC)
va SA=a. Thé tich cta khdi chép di cho bang

3 3 3
A.“‘/E. B.“‘/g. c. 2. D.
3 6 3

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, 4B =3a va AD =4a . Canh bén S4
vudng goc voi mit phang (ABCD) va SA = a~/2 . Thé tich cta khéi chop S.ABCD bang

2a’
3

3 3
A. 424 B. 12424°. C. 4*/35“ . D. 2‘/35" .
R o7 ) A r ) ‘A ’ ’ M 3 \ A M 2\/§ \
Theé tich cua khoi chop cé dién tich day bang EX va chi€u cao bang = la
A.ﬁ. B.l. C.Q. D. 1.
6 3 3

Cho khbi chép S.ABCcbd day ABC la tam giac vudng can tai B, d¢ dai canh AB=BC =a,
canh bén S4 vudng goc v6i day va S4 =2qa . Tinh thé tich ¥ cta khdi chop S.ABC.

3 3 3
a a a

AV =—, B. V=", C.V=d. D.V="—.
3 2 6

Cho hinh chop S.4BC, c6 ddy ABC la tam giac vuong can tai 4, SA= AB=a, SA vudng
goc v6i mat phing (ABC ) . Thé tich cua khdi chop S.4BC bang

3 3 3 3
AL B. L. c. L. RECH

3 6 2 2
Cho tr dién OABC ¢6 04, OB, OC d6i mot vudng goc va 04 =0B =0C =a. Khi d6 thé
tich cua tr dién OABC la

3
a

3 3 3
AL B. L. c. L. p. L.
12 6 3 2

Cho hinh chép S.ABC c¢6 di¢n tich day la azx/g ,canh bén S4 vudng géc véi day, S4 =a. Tinh
thé tich khdi chép S.4ABC theo a.

3 3 3
A. &3, B.a;/g. C.af. D.af.

Cho hinh chép S.ABCD c6 day la hinh vuong ABCD canh a, canh bén S4 vudng goc voi mat
phing day va S4 = a~J2 . Thé tich cua khéi chop S.4BCD bing
J24d° J2d’ V24’

AV =24, B.V = . C.V= . D.V= .
V2a 6 4 3
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

DANG 2.
Chu 21:

Cau 22:

Cau 23:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chop tr gidec S.ABCD c6 ddy ABCD 1a hinh vudng canh bang a, SA4 J_(ABC ),
SA=3a.Thétich V ctakhbi chép S.ABCD la:

A.V=a. B. V=34". C.V:§a3. D.V=2d".

Cho hinh chép 5.4BCD c6 ddy ABCD1ahinh vuong canh a. Biét SA L (ABCD) va S4 =a+3
. Thé tich ctia khdi chop S.ABCD 1a:

3 3 3
A.‘“E. B. i*\3. c.‘“g. D. £,
12 3 4

Khiang dinh nao sau déy la sai?

A. Thé tich ctia khdi chop c6 dién tich day B va chiducao /1 1a V = %Bh.

B. Thé tich cua khéi lang tru c6 dién tich day B va chiducao 4 1a V =Bh.

C. Thé tich ciia mot khoi hop chit nhat br?mg tich ba kinh thudc cua no.

D. Thé tich ctia khdi chop c6 dién tich diy B va chiéu cao h 1a V =3Bh.

Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai B. Canh bén S4 vudng goc voi mat
phing day. Biét SA = AB =2a, BC =3a. Tinh thé tich cua S.4ABC 1a

A. 3a°. B. 44°. C. 24°. D. &’.

Cho hinh chép S.ABCD c¢6 ddy ABCD hinh chit nhat voi 4B =4a, BC =a,canh bén SD =2a
va SD vudng goc v6i mit phang day. Thé tich khdi chop S.ABCD bang

8 2

—a .

A. 6a°. B. 34°. C. D. —a .
3 3

Tinh thé tich ctia khéi chop S.4BC co SA 1a dudng cao, day la tam gidc BAC vudng can tai A
; SA=AB=a

3 3 3 3
Av=L B. V=L, c.v=24 p.v=2L.

3 6 3 9
MAT BEN VUONG GOC VOI PAY
Cho hinh chop S.ABC c6 day ABC la tam giac vudng can tai B va AB =2a. Tam giac SAB

déu va nam trong mit phang vudng goc v6i day. Tinh thé tich ¥ cia khdi chop S.4BC

a3\/§ a3\/§ a3\/§ 2a3\/§
3

AV = B. V= C.V= D. V=

4 3 12
Cho khéi chop S.ABCD c6 day 1a hinh vudng canh a2, tam gidc SAC vudng tai S va nim
trong mat phang vudéng goc véi day, canh bén S4 tao véi day goc 60° . Tinh thé tich V' ciia khbi
chop S.ABCD .
3 3 3 3
a3 By -6 b,y =@V
12 3 12 12
Cho hinh chép S.4BCD ¢6 déy la hinh vuéng canh bing 2a. Mt bén (S4B) 14 tam gidc déu

AV =

va ndm trong mit phang vudng géc voi mit phang (ABCD). Thé tich ctia khoi chép S.4BCD
la

3 3 3
A 4N 23 5 V3

B. . C. . D. .
2 4 3
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho khdi chop S.ABCD c6 day ABCD 1a hinh vudng canh a, tam gidc SAB cantai S va nam
trong mit phang vuéng goc voi day, SA = 2a. Tinh theo a thé tich khdi chop S.ABCD .

3 3 3
15, c.y—@V5, p.y=2%

12 6 3

AV =24, B.V =

Cho hinh chép S.4BCco ddy ABC 1a tam giac vudng tai C, tam gidc SAB déu nam trong mit

phang vudng goc v6i day. Tinh theo a thé tich ciia khéi chop. Biét rang AB = a\3; AC = a.

AL B, V2 c. 43 p, ©Y2
cS et e e

Cho hinh chop tir gidc S.ABCD c6 day ABCD la hinh vuong canh a, mat bén SAB 1a m{t tam
gidc déu va nam trong mit phang vudng goc voi day (AB CD) . Tinh thé tich khéi chop S.4ABCD
a 3 a3

3
AL B. . C. . p. L.
6 6 2 2

Cho hinh chop §.ABCD c6 day ABCD 1a hinh vuong canh a, SA = % , tam gidc SAC vudng

tai S va nam trong mét phang vudng géc v6i (ABCD). Tinh theo a thé tich ¥ ctia khdi chop
S.ABCD .

3 3 3 3
Jea B, - Yoa c. y - e b,y Y2

AV = . . .
12 3 4 6

Cho hinh chop S.ABC c6 day latam giaccantai 4, AB= AC =a, BAC =120°. Tam giac SAB
1a tam gidc déu va nam trong mit phang vudng goc vi mat day. Tinh thé tich ¥ cua khdi chop
S.ABC.

a3 3
A.V=7. B.V=2a". C.V=a'. D.V=—.

Cho hinh chép S.4BCD c6 day 1a hinh vudng canh bang 2a. Tam gidc SAB cintai S va nim
3

trong mat phang vudng goc voi day. Biét the tich khoi chop S.ABCD bang %. Goi a 1a goc

gitta SC va mat day, tinh tan« .

25

A. tana:—3. B. tanag =——. C. tana:—7. D. tana:—s.
3 5 7 5

Cho hinh chép S.4BC c¢b day ABC 1a tam giac vudng tai A. Hinh chiéu cia S 1én mit phang
(ABC) 1a trung diém H cia BC, AB=a, AC=a~3, SB=a/2. Thé tich ciia khdi chop
S.ABC bang

3 3 3 3
A.“ﬁ. B.“‘/g. C.a‘B. D.“‘@
2 2 6 6
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DANG 3. THE TiCH KHOI CHOP PEU

Céu 31: Thé tich ctia khdi chop tir giac déu co tit ca cac canh bang a 1a

3 3 3
A."f. B.“;/E. C.d. D.af.

Ciau 32: Cho mét hinh chop tam giac déu c6 canh ddy bang a, goc giira canh bén va mit phang ddy bang
45°. Thé tich khdi chop d6 1a
3 3 3 3
AR B. L. c. L. p V3
12 12 36 36

Cau 33: Cho khéi chop ti gide déu co canh day bing 2a canh bén bing a~/5 . Thé tich ciia khéi chop da
cho bing

3 3
A. W54 B. 434°. C. 4*/33“ . D. 4*/35“ .

Chu 34: Cho hinh chép tir gidc déu S.ABCD c6 canh ddy bing a+/6 , goc giita canh bén va mit day bing
60°. Tinh thé tich ¥ ctia khdi chép S.ABC?
A. V=94 B.V =24’ C.V=3da D. V =6a’

Cau 35: Cho hinh chép tam giac déu S.4BC c6 do dai canh day bang a, goc hop bai canh bén va mit
day bang 60 . Thé tich cta khdi chop di cho bang
3 3 3 3
A O3 B O3 c. a3 p, O3
12 3 6 4

Céu 36: Cho hinh chop déu S.ABCD c6 chiéu cao bang a2 va do dai canh bén bang a~/6 . Thé tich
khdi chop S.ABCD bang:

3 3 3 3
A‘IOa\/g' B.IOax/E' C.8a\/§' D.Sa\/i.
3 3 3 3
Cau 37: Xét khdi chop tam giac déu canh day bang a, canh bén bang 2 1an chiéu cao tam giac day. Tinh
thé tich khéi chop.
3 3 3 3
2
LY B, OY6 . V2 D.a\/_.
2 18 6 4
CAau 38: Thé tich khoi tir dién déu ¢ canh béng 3.
A.&. B. 2./2. C.ﬂ. D. 2.
4 9
Céu 39: Cho khéi chop tir giac déu c6 canh day bang a, canh bén gp hai 1an canh day. Tinh thé tich
ctia khdi chop di cho.
3 3 3 3
A.V:*/f“ . B.V:*/f“ . C.Vz*/zza . D.V:\/ia .

Cau 40: Cho hinh chép déu S.ABCD c¢6 day ABCD 1a hinh vudng canh a. Canh bén SA4 tao voi day
goc 60°. Tinh thé tich khdi SBCD .
A a’\J6 B a’\J6 c a’\f3 b a3
CTe CT, T T
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Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho khéi chop déu S.ABCD c6 canh day la a, cac mat bén tao véi dady mot goc 60°. Tinh thé
tich khoi chop do.
3 3 3 3
a3 B V3 . V3 p. O3
2 12 6 3

A.

Cho khéi chép tir gide ddu S.ABCD c6 canh ddy bing o . Biét ASC — 90°, tinh thé tich V cua
khéi chop do.

3 3 3 3
AvV=2 B.V:“&. C.V:“&. D.V:“ﬁ.

3 3 6 12

Cho hinh choép tur giac déu S.ABCD c6 canh day béng a, goc gitta canh bén va mat day béng
60°. Thé tich khéi chop S.ABCD 1a

3 3 3 3
A.‘“@ B.a‘B. C.“Jg. D.‘“/g.

6 6 12 2

Hinh chop tam giac déu S.ABC c6 canh day 13 a va mit bén tao voi ddy goc 45°. Tinh theo a
thé tich khdi chép S.4BC.

3 3 3
a

3

A= B. —. c. <. D. <.
8 24 12 4

Cho khéi chép c6 day hinh thoi canh a (a > O) cac canh bén bang nhau va ciing tao véi day goc

45° . Thé tich ctia khdi chép da cho bang

A ——a’. B. \24’. Cc. = D. ——d’.
32 2 J2
Tinh thé tich khéi tir dién déu co tat ca cac canh bang a
A.a’. B. £a3. C. La3. D. 6a°.
12 12

Cho hinh chép tir giac déu ¢ canh day bang a, goc giita canh bén va mit day bang 60°. Thé
tich khdi chop 1a

a6 a6 V3 a6

A. . B. . C. D. .

6 2 6 3
Cho hinh chép tam gidc déu S.4BC c6 canh day bang 2a, canh bén tao véi ddy mot goc 60°.
Thé tich khdi chép S.4BC la

3 3 3
A 2003 B O3 c. a3 D. '3

3 3 4
Cho hinh chép tir gidc déu S.ABCD c6 canh day bang 2a, canh bén bang 3a . Tinh thé tich 7
ctia khdi chop da cho.

W71d® 4a’ W71d®
A V=410, B. V= L : C.V=—n. D. V= L :
9 3 3

Kim tu thap Ké - 6p & Ai Cép duoc xay dung vao khoang 2500 nim trudc Cong nguyén. Kim tur

thap nay 1a mot khdi chop tir gide déu co chiéu cao 1 147m, canh day 1a 230 m . Thé tich cia
no la
A. 2592100 m’. B. 2952100 m’. C. 2529100 m*. D. 2591200 m’.
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DANG 4. CANH BEN VUONG GOC VOI PAY

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cho hinh chop S.4BC c6 day la tam gidc vuodng can tai C, canh bén S4 vudng goc voi mét day,
3
. . . . a
biet AB =4a,SB = 6a. The tich khoi chop S.ABC 1a V. Ty so W la

5
NG g V5 o Y5 p, 35
80 40 20 80
Cho hinh chép tam giac S.ABC c6 ddy ABC 1a tam giac vuong tai B, AB=a, ACB=60°,
canh bén $4 vudng goc v6i mit day va SB hop v6i mit day mot goc 45°. Tinh thé tich V' caa
khéi chop S.4BC.
3 3 3 3

@3 By =3 C.v=2" N ALAL

18 12 yNE) 9

Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat 4B=a va AD =2a, canh bén S4
vuong goc véi day. Tinh thé tich ¥ ciia khdi chop S.ABCD biét goc gitta hai mat phang (SBD)
va (4BCD) bing 60°.

A. V:a3\/E B. V:a3\/E C. V:4a3\/E D. V:aB\/E
s 6 15 3

Cho hinh chép S.ABCD ¢ AB=53,BC =33, abc BAD = BCD =902, SA=9 va SA

A V=

vudng goc voi day. Biét thé tich khdi chop S.ABCD bang 66\/5 , tinh cotang cta goc gitra mat
phang (SBD) va mit day.

204/
NS 5. Jo1 | . 3\/273' o 991
819 9 20 9

Cho hinh chép S.4BC ¢6 ddy ABC 1atam gidc déu, SA L (ABC). Mt phiang (SBC) cich A
mot khoang bing @ va hop véi mat phing (ABC) goc 30°. Thé tich ciia khdi chop S.4BC bang
A B 3 C. ﬁas' p. 2

9 3 12 9

Cho khéi chép S.4BCD ¢6 diy ABCD 1a hinh vudng canh @. Hai mit phing (SAB) va (S4D)
cling vudng goc v6i day. Tinh thé tich khdi chop S.ABCD biét ring SC = a~/3 .

3 3
3 3 a \/5 a \/g
A. VS.ABCD =a. B. Vs ancp :%. C. VS.ABCD = 3 D. VS.ABCD = 9

Cho hinh chép S.ABC ¢ day la tam giac ABC vuong tai C,A4B=2a AC=a vy S4 vuong
goc voi mat phang (ABC ) Biét goc giita hai mit phing (SAB ) va (SBC ) bang 60°. Tinh thé
tich ctia khdi chop S.ABC

a2 a’\J6 a’\J6 a’\2

A. . B. . C. : D. .
6 12 4 2

Cho khdi chop S.ABC ¢6 ddy ABC 1a tam giac can tai A voi BC =2a, BAC=120°, biét
SA 1 (ABC) vamit (SBC) hop véi ddy mot goc 45°. Tinh thé tich khdi chop S.4BC.

3 3 3
a a a

A —. B. &2 c.—. D. —.
2 a2 9 3
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Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

DANG 5.

Cau 64:

Cau 65:

Cau 66:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chop S.4BCD c6 day ABCD 1a hinh chit nhat c6 AB =a, AD = 2a; SA vudng goc
v6i ddy, khoang cach tir 4 dén (SCD) bing % Tinh thé tich cua khéi chop theo @.

4 4 2 245
A. £ B. £ C. i _ D. i a
Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng canh @, SA vudng goc voi day ABCD,
goc giita hai mit phang (SBD) va ABCD bang 60°. Goi M ,N lan luot 1a trung diém cia
SB,SC . Tinh thé tich khéi chop S.ADNM .

3 3 3 3
6 6 3a°\6 6
A.V:a\/—. B.V:a\/—. C.Vza\/_. D.V:a\/—.
16 24 16 8
Cho khdi chop S.ABCD c6 day 1a hinh vuong canh ,, S4 vudng goc vdi day va khoang céach tir
. . . 3 , .
C dén mat phing (SBD) bang % Tinh thé tich ¥ cua khdi chop da cho.
3 3 3
a
ATV =2 B.V=d. c.v=2 p.y Y3
2 3 9
Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a, SA vudng goc véi mat day, SD tao voi mat

phing (SAB)mot goc bang 30°. Tinh thé tich ¥ ciia khdi chop S.ABCD.

3 3 3
AV =34 B.Vz\/ia . Joa D V_\/Ea .

C.V= . V=
18 3

Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thoi, goc BAD bang 120°, AB = a. Hai mit
phing (SAB ) va (SAD) cung vudng goc voi day. Goc gitta (SBC ) va mit phiang day 1a 60°.
Tinh thé tich 7 cua chép S.ABCD.
2a’15 V3 V13
V= a\/_' B.y_L C.Vza\/—. ]),V:a\/__
15 12 4 12
MAT BEN VUONG GOC VOI PAY
Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh vuong canh ,, mat bén SAB la tam giac can tai
§ va nam trong mit phang vudng goc véi day; goc gitta SC va mat phiang ddy bang 45° . Tinh
thé tich khdi chép S.4BCD bang:
3 3 3 3
3 3 5 5
@3 g, 23 ¢, oY p, 235
12 9 24 6
Cho hinh chép S.ABCD c6 day ABCD 1a hinh chir nhat, tam gidc S4B 1a tam gidc déu canh .
va nam trong mat phang vudng goc véi day. Mat phang (SCD) tao voi day goc 30°. Thé tich
khéi chop S.4BCD 1a?
3 3 3 3
3 3 3 Sa’\3
@3 g, 23 AL p, 38
4 2 36 36
Cho hinh chép tt gidc S.ABCD c¢6 ddy ABCD 1a hinh vudng canh bang /2«. Tam giac SAD
can tai § va mit bén (SAD) vudng goc voi mit phang day. Biét thé tich khdi chop S.4BCD

bang §a3' Tinh khoang cach h tir B dén mat phang (SCD).

25 6
A =24 B.h-34 C.h:ia D.h:£a
3 2 5 3
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Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.ABCD c6 didy ABCD la hinh vudng va tam giac S4B déu nim trong mat
phing vudng goc voi day. Biét khoang cach giira hai duong thang S4 va BD bang 21 . Hiy
cho biét canh day bang bao nhiéu?

A. 21 B. 21 c. 3 D. 7
Cho hinh chop S.ABCD c6 ddy ABCD la hinh thang vubéng tai 4 va B, BC = %AD =a.

Tam gidc SAB déu va nam trong mit phing vudng goc voi day, goc gitta SC va mit phing
. 15 . .
(ABCD) bang & sao cho tana = g Tinh thé tich khoi chop S.ACD theo d.

a’ a’ a2 @3

A Vs uep :7- B. Vs 4ep :?- C. Vsucn :T- D. Vs yep =

Cho hinh chop S.4BCD c6 day 1a hinh chit nhat; 4B =a; AD =2a. Tam giac SAB cén tai §
va nam trong mit phiang vudng goc véi day. Goc gitta duong thing SC va mp(ABCD) bang
45°.Goi M 1a trung diém ctia SD . Tinh theo , khoang cach 4 tir diém M dén (SAC )

NP EIE P T TSR TN L EIER

Cho hinh chép S.ABC c¢6 day ABC la tam giac vudng tai 4 . Hinh chiéu ciia .S 1én mit phing
(ABC) 1a trung diém H cua BC, AB=a, AC=av3, sB=a/2. Thé tich cua khdi chop
S.ABC bang

a3 a6 a3 a6

B. C. D.
2 2 6 6

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chir nhat, mat bén SAD la tam gidc vuong tai
S . Hinh chiéu vudng goéc ctia S trén mit phang day 1a diém H thudc canh 4D sao cho

A.

HA=3HD . Biét raing SA= 2a\3 va SC tao v6i day mot goc bang 30°. Tinh theo ¢ thé tich
V' cta khdi chop S.ABCD .

3 3
AV =8J6a°. B.V=8\/§a . C. V=824’ D.Vzg\fa .

Cho hinh choép S.ABCD c6 day 1a hinh thang vuéngtai 4 va D, AB= AD =a, CD =2a . Hinh
chiéu cta dinh § 1én mit (4BCD) tring véi trung diém cua BD. Biét thé tich t& dién SBCD

3

bing 2. Khodng c4ch tir dinh 4 dén mit phing (SBC) 1a?

J6

& B, Y2 c. 43 p. @Y

2 6 6 4

Hinh chép S.ABCD c6 day ABCD 1a vudng canh ., hinh chiéu vudng goc ctia § trén mit phing

AL

(ABCD) trung véi trung diém cia canh 4D; goi M 1a trung diém cia CD; canh bén SB hop
v6i day goc 60° . Tinh theo , thé tich ctia khéi chop S.ABM .

415 5 a5 c a5 o a5
3 6 4 )

A.
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Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

Cau 79:

Cau 80:

Cau 81:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.ABC ¢6 day ABC 1a tam giac déu canh ¢. Hinh chiéu vudng goc ciia S trén
day 1a diém H trén canh AC saocho A4H = % AC ; mit phang (SBC ) tao voi day mot goc 60°

. Thé tich khéi chop S.4BC 1a?
@3 B. @3 C. @3 D. @3
12 48 36 24

Cho hinh chép S.4BC ¢6 day ABC 1atam giac vuongtai A vacd AB=a, BC= a\/g . Mit bén
(SAB ) 1a tam giac déu va nidm trong mit phang vudng goc véi mit phang (ABC ) Tinh theo @
thé tich ciia khdi chop S.4BC.
a3f. B.Vzaz\f. C.sza;\%. D.V=a3f.
Cho hinh chép S.ABC 6 ddy ABC I tam gidc vuéng tai A va c6 AB=a, BC= a3 Mt
bén SAB 1a tam gidc déu va nam trong mit phang vudng goc v6i mit phang (ABC ) . Tinh theo
0 thé tich ciia khdi chop S.4BC.

a*\6 a*\6 a’\6 a*\6

AV = : B. V= C.V= . D. V= :
12 4 8 6

Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vudngtai A va B, BC = % AD = a . Tam

A.

A V=

gidc SAB déu va nam trong miat phang vudng goc voi day; goc gitta SC va mat phang (ABCD)
bang & sao cho tana = T Tinh thé tich khoi chop S.4CD theo d

3 3 3 3
a a a*\2 a*\f3
A Vs ep :7- B. Vs 4ep :?- C. Vs ucp :T- D. Vs 4ep ZT-

Cho hinh chép S.ABC c6 day la tam giac cantai A, AB= AC =a, BAC=120°. Tam giac S4B
1a tam gidc déu va nam trong mit phang vudng goéc véi mit day. Tinh thé tich 7 cua khdi chop
S.ABC.

3 3
a a

A.Vzg. B.V=a. C.V=7. D. Vv =2a.
Cho hinh chop S§.4ABCD c6 day ABCD la hinh chit nhat, médt bén SAD la tam giac déu canh 2a
va nam trong mit phiang vudng goc véi mit phang (4BCD) . Goc gitta mit phang (SBC) va mat
phang (4BCD) 1a 30°. Thé tich ctia khdi chop S.4BCD la:
3 3 3
261\/§ a\/g 4a\/§ D. 2a3\/§.

A. . B. . C. .
3 3 3

Cho hinh chép S.4ABCD c6 day 1a hinh vudng canh ., mit bén S4B nam trong mit phang vudng
goc voi (ABCD), SAB=30", S4=2a . Tinh thé tich ¥ ctia khdi chop S.4BCD.

3a’ a @
NS EL B.V-d. c.V=". D.V="
6 9 3
Cho hinh chép S.4BC ¢6 AB=a,BC = a3 ,1@2’ =60". Hinh chiéu vudng goc ctia .S 1én mit
phang (ABC ) 1a mot diém thudc canh BC . Goc giita dudng thang S4 va mit phiang (ABC ) la

45°. Gia tri nho nhét ctia thé tich khdi chép S.4BC bang
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3 3 3 3
a\/§‘ B.a\/g. C.a\/g. D.a\/g.
3 8 12 6

DANG 6. THE TiCH KHOI CHOP PEU

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cho khdi chép tir giac déu S.ABCD c6 canh day bang ¢, goc gitra mit bén va mit day bang 60°
. Thé tich V' ciia khdi chop S.4BCD bang
3 3 3 3
3 2 3 2
NEIRAE By -V AL b,y =@Y2
2 2 6 6
Cho hinh chép tir giac déu S.ABCD c6 canh day bang ¢, tAm ctua day 1a O. Goi M va N lan
luot 1 trung diém cua S4 va BC . Biét goc gitta dudng thang MN va mit phing (ABCD) bang
60° . Tinh thé tich khéi chép S.4ABCD .
3 3 3 3
10 30 30 10
A.a\/_ B.a\/— C.a\/_ D.a\/_
6 2 6 3
Néu mot hinh chép tir giac déu co canh day bang 2va c6 dién tich xung quanh bang 4\/§ thi
c6 thé tich bang
4+/2 4+/3
A.T\/_. B. 43 C.?\/—. D. 42.
Cho hinh chép déu S.ABC ¢b6 SA=a. Goi D, E lan lugt 13 trung diém cia S4,SC. Tinh thé

tich khdi chép S.ABC theo ¢, biét BD vudng goc voi AE .
a*21 a3 a7 a*21
. B. . C. : D. .
54 12 27 27
Cho hinh chép déu S.ABCD c6 canh AB = a, gbc giita duong thang S4 va mit phang (ABC )
bang 45°. Thé tich khéi chop S.ABCD 1a

A.

3 3 3 3
AL B OY2 c. L. p. OY2

3 6 6 3
Cho hinh chép tir gide déu S.4BCD d dai canh day 1a a. Biét rang mit phang (P) qua 4 va
vudng géc véi SC, cit canh SB tai B' véi SZZ :%. Tinh thé tich cia khéi chép S.4BCD

3 3 3 3
A.a‘/g. B.a‘/g. C.“\/g. D.a‘/g.

6 4 2 3

Cho mét hinh chép tir giac déu c6 canh ddy bang 2a va canh bén tao véi mit phang day mot goc
45°. Thé tich cua khdi chop d6 1a
4a’°\2 a2 a2

A. . B. . C. . D. 24°/2.
3 g 6 ¢

Cho hinh chép ttr gidc déu S.ABCD c6 canh day bing 2a~/3 , khoang cach giita hai duong thing
SA4 va CD bang 3a . Thé tich khéi chép da cho bing:

3
A. i3, B. 64°/3. C. 124°. D. 8"3‘5.

Cho hinh chép tam giac déu S.4BC, canh AB =a va canh bén hop v6i diy mot goc 45°. Thé
tich V' ctia khdi chop 1a

a a a’ a

AV =—. B.V=—. C.V=—. D.V=—.
12 6 3 4

Cho khdi chop tir giac déu co tit ca cac canh bang 2a . Thé tich ctia khbi chop da cho bang:
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DANG 7.
Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

Cau 98:

Cau 99:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

3 3 3 3
A. 2v2a . B. 3 C. 824 . D. 42a .
3 3 3 3
THE TICH KHOI CHOP KHAC

Cho hinh chop S.ABCD c6 day ABC latam giac vudng can dinh A4, AB = ax2. Goi I 1a trung
diém cia BC, hinh chiéu vudng goc ciia dinh S 1én mit phang (ABC) la diém H théa man
IA=-2IH, gbc gitta SC va mat phang (ABC) bang 60°. Thé tich khdi chop S.4ABC béng

a5 a5 @15 @15

A. . B. . C. . D. .
2 6 6 12

Cho hinh chép S.ABC c6 ABC latam giac déu canh 3a, SAB = SCB = 90°, goc giita (SAB)
va (SCB) bang 60°. Thé tich khdi chép S.ABC bang

3 3 3 3

A. 32 . B. V2a . ¢ Y2 D. 92 .

8 3 24 8
Cho hinh chép tir gidc déu S.ABCD c6 tit ca cac canh déu bang 1. Goi G 14 trong tAm tam giac
SBC . Thé tich tir dién SGCD bang
RS B. Y2 B p. Y2

36 6 36 18

Cho hinh chop S-ABC ¢ AB=AC=4 BC=2 §4=4.3, SAC=SAB=30" Tinh thé tich

khdi chop S-4BC bang
A. 4. B. 5. C. 5\2. D. 245.

Cho hinh chép S.ABC c6 cac canh SA=BC=3; SB=AC=4; SC=A4B= 2+/5 . Tinh thé tich
khéi chop S.4BC .

a0 g

Cho khéi chop S.ABCD c6 ddy ABCD 1a hinh vudng canh 2a, SA=SB = a2 . Khoang cach
tir A dén mat phang (SCD)bang a . Thé tich khéi chop da cho bang

\/ch \/§a3 \/gcf 2\/§a3
3 3

A. . B. . C.2 D.
3 6

Cho khéi chép S.4BCD c6 diy ABCD 1a hinh thoi tim O, AB = a, BAD = 60°,SO 1 (ABCD)
va mit phang (SCD) tao vi mit phang ddy mot goc bang 60°. Thé tich khoi chop di cho bang

3 3 3 3
N g, 34 ¢, e p, 32
8 24 48 12
Cho hinh chép S.4ABC c6 day ABC la tam giac déu canh a, khoang cach tir diém 4 dén mit

. Biét hinh chiéu caa S 1én mat

a\15
5

. 15 :
phang (SBC) la 4, khoang cach gitra S4 va BC la
phang (ABC) nam trong tam giac ABC, tinh thé tich kh6i chop S.4BC.
3 a3\/§ a3\/§

3
AL B. . c. L. D. .
4 8 8 4
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Cau 100:

Cau 101:

Cau 102:

Cau 103:

Cau 104:

Cau 105:

Cau 106:

Cau 107:

Cau 108:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Hinh chop S.4BCD c6 déy ABCD 1a hinh thoi tim O, AB=a, BAD =60°,S0 1 (ABCD) va
mit phang (SCD) tao v6i mit ddy mot goc 60°. Tinh thé tich ¥ ctia khdi chép S.4BCD.

3 3 3 3
:\6". B.V:ﬁ“. C.V:ﬁ“. D.V:ﬁa.
24 48 12 8
Cho hinh chop S.4BCD ¢6 diy ABCD 13 hinh thoi canh x, BAD = 60°, goi I 14 giao diém AC
va BD. Hinh chiéu vudng goc cua S 1én mat phing (ABCD) 1a H sao cho H la trung diém cta

BI . Goc gitta SC va (ABCD) bang 45°. Tinh thé tich ¥ cua khéi chop S.ABCD .

AV

3 3 3 3
A.V:*@x . B.V:\@x . C.Vz‘@x . D.V:\@x .
12 36 24 48
Cho hinh chép S.ABC c6 AB= AC =4, BC=2,S4=4/3, SAB = SAC = 30° . Tinh thé tich

khdi chop S. ABC.
AV e =8. B. V, ye=6. C.V, po=4. D. Ve =12.

Cho hinh chép S-ABC c6 S4—a, AB=a3, AC=a"2  Goc SAB=60" BAC=90"

CAS=120" Thg tich khéi chop S-4BC bing

3 3 3 3
A D3 B V3 c. Yo D. <.
3 6 3 3
Cho hinh chop S.ABC ¢6 AB =7cm, BC =8cm, AC =9cm. Cac mat bén tao voi day goc 30°.

Tinh thé tich khéi chop S.4BC. Biét hinh chiéu vuong goc cia S trén (4BC) thudc mién trong
cua tam giac ABC'.

A. %(Cﬂ’ﬁ). B. 20\/§(cm3). C. #(cnf). D. 72\/§(cm3).

Cho hinh chop S.4ABC c6 cac mat bén (SAB ),(SAC ),(SBC )tao v6i day cac goc bang nhau
va déu bang 60° .Biét 4B =13a,AC =14a,BC =15a, tinh thé tich V' cta khdi chop S.ABC
AV =283a" B.V=112{34. C.V=843a".  D.84a".

Cho hinh chép S.ABC c6 SA=SB=SC=6, AC=4; ABC latam gidc vudng can tai B. Tinh
thé tich ¥ cuia khdi chop S.4BC.

=@ C.V =162 D.Vz#

Cho hinh chop S-ABC biét ring SA=SB=SC=a_ASB=120° BSC=60° y;3 ASC =90°

AV =167 B.V

Thé tich khdi chop S-4BC 1a
3 3 3 3
A Y2 g OV . 93 p, O3
12 6 4 8
Cho hinh chép S.4BC c6 ddy ABC latam giac déu canh 1, biét khodng cach tir 4 dén (SBC)

6 . 15 . 30 .
1a %, tr B dén (SCA) la %, tr C den (S4B) la % va hinh chiéu vuéng goc cua S
xudng ddy nam trong tam gidc ABC . Tinh thé tich kh6i chop Vs isc-
1 B. L c. L A
36 48 12 24
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN
@ HE THONG BAI TAP TRAC NGHIEM.

PHUONG PHAP CHUNG

THE TiICH KHOI CHOP — KHOI LANG TRU

1. Thé tich khéi chop |V,,,, =~-S.,. chiéu cao| = %-Sdéy. d(dinh; mat phéng ddy )

chép — 3 ddy

2. Thé tich khéiling tru |[V. =35

lng iy — Dagy- Chi€u cao

. Thé tich khéi 1ap phuong [V = a®| + Thé tich khéi hop chit nhat

T

3. Ti s6 thé tich
. Cho khéi chop S.ABC, trén cac doan thing SA, SB, SC lan
luot

liy cac diém A’, B/, ¢’ khac S. Khi d6 ta ludn co ti sd thé tich:
Viuge _ SA SB' SC'

%  SA SB SC

S.ABC

. Ngoai nhitng cach tinh thé tich trén, ta con phuong phéap chia nhod
khéi da dién thanh nhitng da dién nho ma dé dang tinh toan. Sau d6
cong lai.

. Ta thuong dung ti s thé tich khi diém chia doan theo ti 1¢.

4. Tinh chét ciia hinh chép déu

« Pdy la da gidc déu (hinh chop tam giac déu c6 day 1a tam giac déu, hinh chép tir giac déu co day 1a hinh
vudng).

. Chén dwong cao tring véi tam dwong tron ngogi tiép da gidc ddy
. Cdc mdt bén la nhitng tam gidc cin va bang nhau.

. Géc giiva cdc canh bén va mdt ddy déu bang nhau.

. Géc giiva cdc mit bén va mdt ddy déu bang nhau.
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5. Tw dién déu va bat dién déu:
. T dién déu 1 hinh chép c6 tat ca cac mat 1a nhitng tam giac déu bang nhau.

. Bat di¢n déu 12 hinh gdm hai hinh chép tir giac déu ghép trung khit hai day véi nhau. Mdi dinh cia né 1a
dinh chung ctia bon tam giac déu. TAm mit 13 cac tam giac déu va bang nhau.
Néu nbi trung diém cua hinh t dién déu hodc tAm cic mit cua hinh lap phuong ta sé thu dugc mot hinh bat

dién déu.
V

Hinh lang tru dirng va hinh lang tru déu:

. Hinh Ling tru dimng 13 hinh ling try c6 cac canh bén vudng goc voi mit phiang ddy. Do d6 cac mit bén
ctia hinh ling try dtmg 14 cac hinh chit nhat va nam trong mat phang vudng goc v6i miat phang déy.
. Hinh ling tru déu 13 hinh ling try ding c6 day 1a da giac déu.

XAC PINH CHIEU CAO THUONG GAP

a) Hinh chép c6 mt canh bén
vudng goc voi day: Chiéu cao
cua hinh chép 1a d6 dai canh bén
vudng goc voi day.

Vi du: Hinh chop S.ABC ¢6 canh bén s

SA vudbng goc v6i mit phang day, tirc
SA 1L (ABC) thi chiéu cao cua hinh
chop 1a SA.

b) Hinh chdép c¢6 1 mat bén
vudng goc véi mit day: Chiéu
cao ctia hinh chop 13 chiéu cao
cua tam giac chtra trong mat bén
vuong goc voi day.

Vi du: Hinh chop S.ABCD c6 mit
bén (SAB) vudng goc véi mit phang
day (ABCD) thi chiéu cao clia hinh
chop 1a SH 1a chidu cao cua
ASAB.

c) Hinh chop c6 2 mat bén
vudng goc voi mit day: Chidu
cao ctia hinh chép 1a giao tuyén
ctua hai mat bén cung vudng goc
v6i mat phang ddy.

Vi du: Hinh chop S.ABCD c¢6 hai
mat bén (SAB) va (SAD) cung
vuong goc vai mat day (ABCD) thi

chiéu cao ctia hinh chop 1a SA.
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d) Hinh chép déu: Vi_du: Hinh chép déu
Chiéu cao cua hinh chép 1a doan | S.ABCD c¢6 tam da giac day
thang ndi dinh va tim cia day. | 1a giao diém cia hai dudng
Déi v6i hinh chép déu ddy 14 tam | chéo hinh vuéng ABCD thi
giac thi tdm Ia trong tdm G cua | ¢6 dudng cao 1a SO.

tam giac déu.

DIEN TiCH CUA MOQT SO HINH THUONG GAP

a+b+c
5 ;
nira chu vi. Goi R, # lan luot 1a ban kinh dudng tron ngoai tiép va ni tiép cua tam giac ABC. Khi do:

"1 Dién tich tam giac thuwong: Cho tam giac ABC vadat AB=c¢, BC =a, CA=bvap=

1 1 1
= —a,,h, == —b.hb — —C.h
2“2 2
1 ) 1. . 1 .
= —absinC = —becsin A = —acsin B
Spase = 2
_abe_
AR
= \Jp(p = a)(p — b)(p — ©), (Heron)
1 r . r ~A
* S gite vuong = 7 (tich hai canh géc vuong). T~
(canh huyén)’
¢ S tam gidc vuong can = 4 ’
canh)? /3 . .. .. canh+/3
 Sam gide déu = # = Chiéu cao tam gidc déu = T\/—
] Shinh chirnhat = dai X rONZ VA Shinh vuong = (canh)?.
(ddy 16n + day bé)- (chiéu cao)
O Shinhthang = B )
oS _ Tich hai dudng chéo _ Tich 2 dudng chéo

Td gidc c6 2 dudng chéo vuong géc ~ 9 hinh thoi ~— 2

HE THUC LUQNG TRONG TAM GIAC

1. Hé thirc lwong trong tam gidc vudng
Cho AABC vuéng tai A, c6 AH 1a dudng cao, AM 1a trung tuyén. Khi dé:

x+ BC® = AB* + AC* (Pitago), AH.BC = AB.AC.

+ AB> = BH-BC va AC* = CH - CB. A
1 1 1

% ~=——+——va AH’ = HB- HC.

AH®> AB*> AC
x BC =2AM.
« S . = AB-AC=21.AH.BC. »

2 2 B H M C

2. Hé thire lwong trong tam giac thuong
Cho AABC vadit AB=c, BC =a, CA=b, p= %b*c (nira chu vi). Goi R,  14n luot 14 ban

kinh dudng tron ngoai tiép va noi tiép tam giac ABC. Khi do:
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= b __° =2R. A
sinA sinB sinC

* Dinh ly ham sin:

~ ~ 2 2 2
°a2=bg+02—2bccosA:>cosA:w y b
2 2b20 2
« Dinh Iy ham cos: |+ 0> = o> + ¢’ — 2accos B = cosB = 2 te —b . B a C
2ac M
~ ~ 2 2 2
e =a"+b"—2abcosC = cosC = a+b-c
2ab
AN — AB* 4+ AC*  BC”
2 2 2 42
+ Cong thirc trung tuyén: {« BN* = BA ;BC - A40 :
OK? — CA*+CB*  AB’
2 4 A
M /\ N
* Dinh ly Thales: 2 .
. S panw :[AM] 2 8 c
SAABC AB

DANG 1. CANH BEN VUONG GOC VOI PAY

Cau 1:  Cho hinh chop tr gidc S.ABCD c6 ddy ABCD la hinh vudng canh a, canh bén S4 vudng goc
v6i mat phing day va S4 =+/2a . Tinh thé tich khéi chop S.ABCD .

3 3 3
A. V2a B. V2a C. V24’ D. V2a
6 4 3
Loi giai
Chon D
i 1 \/§a3
Tacd S uep =a . Ve sep = ESA.SABCD ==

Cau2: Cho hinh chép S.4ABC c6 day la tam giac déu canh a, canh bén S4 vudng goc voi day va thé
3

tich ctia khdi chop d6 bang % . Tinh canh bén S4.

A. a3 B. ‘“/g. C. a\3. D. 2a+/3.

2 3
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Caiu 3:

Cau 4:
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Loi giai
S
A ¢
B
3.4
1 3, s
Viane =3 SuncSA = $4.= =340 = — \% —a\3.
AABC
4

Cho hinh chép S.4BC c¢6 ddy ABC la tam gidc déu canh a. Biét SA L (ABC) va SA= a3 .
Tinh thé tich khéi chép S.4ABC .

3 3 3
A2 B. & c. & p. 3%
4 2 = 4 4
Loi giai
Chon C

B

Ta co SA 1a duong cao hinh chop

2
i : 3
Tam gidc ABC déu canh a nén S, ;. :#

. . 1 & 3
Vay thé tich cn tim 1a: ¥, . = g.#.a 3=1

Cho hinh chdp S.4BC c6 day la tam gidc déu canh «. Canh bén SC vudng goc véi miat phang
(ABC), SC = a. Thé tich khdi chép S.4BC biang

3 3 3 3
A.‘“E B.“‘E C.“ﬁ D.‘“B
3 12 9 =12
Loi gidi
Chon D
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S

A

a’\3 1 a2\/§_a3\/§

S = SV, ==
ABC 4 S.4ABC 3 4 12

Cau5:  Cho tr dién ABCD ¢6 AD vudng goc v6i mit phang (4BC) biét ddy 4BC 1a tam gidc vuong
tai B va AD =10, AB =10, BC =24 . Tinh thé tich cua t& dién ABCD .
A. V' =1200 B. V=960 C. V=400 D. Vz@
Loi giai

Chon C

Ta co Vpep = %AD%AB.BC = %10. 10.24 = 400

Cau 6:  Cho hinh chép S.4BC c6 canh bén SA vuéng goc véi mit phang day (ABC). Biét SA=a, tam
gidc ABC la tam gidc vudng cantai A, 4B =2qa. Tinhtheo a thétich V' ctakhéi chop S.4ABC

3 3 3
Av=2L. B.v=2, cyv=2%, D.V=2d.
6 2 3
Loi gidi
Dién tich tam gidc 4BC vudng can tai 4 1a: S,,. = %AB.AC = %2a.2a =2a’.

3
Thé tich khéi chop S.4BC la: ¥, ;. = %SA.SABC - %.a.2a2 - 2%

Cau7: Cho khéi chop S.ABC c6 day ABC 1a tam giac vudng tai B, AB=a,AC=2a,S4 1 (ABC)

va SA=a. Thé tich cta khdi chép di cho bang

3 3 3 3
A V3 g.“‘/g. c. <. D. 2% .
3 6 3 3

Loi giai
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S

Tacd BC? = AC* — AB> =3a> = BC = a3 .

a*\f3
6

1 1
Vay Vg ipc = ESAABC.SA = AB.BC.S54 = g.a.a 3.a=

|~

W | —

Cau 8: Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat, 4B =3a va AD =4a . Canh bén S4
vudng goc voi mit phing (ABCD) vd SA = a~/2 . Thé tich cua khéi chop S.ABCD bing

3 3
A. 424°. B. 12424°. C. 4*?“ . D. Z*E“ .
Loi giai
Chon A

Dién tich day hinh chit nhat1a S = AB- AD =3a-4a =12a* (dvdt)

Thé tich ctia hinh chép c6 day hinh chit nhat 1a V = %Sh =§-12a2 caN2 =4\24°.

Cau9: Thé tich ctia khdi chép c6 dién tich day bang 73 va chidu cao bang # la
a6, B L 2 D.1.
6 3 3
Loi giai
Chon B

Thé tich khéi chép 1a ¥ = % . chiéu cao. dién tich day = %

Cau 10: Cho khéi chop S.ABCc6d ddy ABC la tam giac vuong can tai B, d0 dai canh 4AB=BC=a,
canh bén S4 vudng goc v6i ddy va SA =2q . Tinh thé tich ¥ cta khdi chop S.4ABC.
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3 3 3
Av=L B. V=2 C.V=d. p.v=2_.

3 2 6

Loi giai
S
A - C
B
Chon A
1 11, a

Ta co: VS.ABCZESA'SABCZE'za'E'a = 3

Cau 11: Cho hinh chop S.ABC, c6 day ABC la tam giac vudng can tai A, SA= AB=a, SA vudng
goc voi mit phing (ABC ) . Thé tich cua khdi chop S.4BC bing

3 3 3
a 3a

3
AL B. L. c. L. p. 2%
3 =6 2 2
Loi giai
Chon B

3
a

2 Z. 1
Thé tich ctia khoi chop S.ABC: Vs, = ESA.SABC %

Cau 12: Cho tor dién O4ABC c6 OA, OB, OC d6i mdt vuong goc va O4=0B =0C =a. Khi do thé
tich cua tor dién OABC la

3 3 3 3
AL B. L. c. L. p. L.
12 =6 3 2

Loi giai
Chon B
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Cau 13:

Cau 14:

Cau 15:
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4

Taco: V=5, 04=LLopocos=L.
3 6

11
32
Cho hinh chop S.4BC c6 dién tich day la azx/g , canh bén S4 vudng goc voi day, SA=a. Tinh
thé tich khdi chép S.4BC theo a.

3 3 3
A. 3. 5.“‘/5. C.“\/g. D.“‘/g.
3 6 2
Loi gidi
Chon B

a*\3

Ap dung cong thuc V = %Bh taco V =
Cho hinh chop S.ABCD c6 day 1a hinh vuong 4BCD canh a, canh bén S4 vudng goc voi mat
phing day va S4 = a~J2 . Thé tich cua khéi chop S.4BCD bing

NOYS V24 NOYS

C.V= D. V= .

AV =24, B. V=

6 4 = 3
Loi giai

Chon D

1 1
Vs asen =§SA-SABCD =§a 2.4 =

Cho hinh chép tir gide S.ABCD c6 ddy ABCD 1a hinh vudng canh bang a, S4 L(ABC),
SA=3a.Thétich V cta khbi chép S.ABCD la:

A V=a. B.V=3a. C.V:§a3. D.V=2a.
Loi giai

Chon A

Page 9



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

s

Dién tich ddy ABCD 1a S ., =a’.
Vi 84 L (ABC) nén chiéu cao ciia khdi chép 1a S4=3a.
Vay thé tich khéi chop S.ABCD 1a: v :%.SABCD.SA =§.a2.3a =a’.
Céu 16: Cho hinh chép S.4BCD c6 ddy ABCD1a hinh vudng canh . Biét SA4 L (ABCD) va SA= a3
. Thé tich ctia khdi chop S.ABCD 1a:

3 3 3
A.‘“E. B. a’\f3. g.‘“g. p. L.
12 3 4
Loi giai
Chon C

Khdi chép S.4BCD c6 chidu cao /= a~/3 va dién tich ddy B = a’.

a*3

Nén c6 thé tich Vz%.az.af: -

Céu 17: Khang dinh nao sau day la sai?
A. Thé tich ctia khéi chép c6 dién tich ddy B va chidu cao h 1a ¥/ = %Bh.

B. Thé tich cua khéi lang tru c6 dién tich day B va chiducao 4 1a V =Bh.
C. Thé tich ciia mot khoi hop chit nhat béng tich ba kinh thudc cua no.
D. Thé tich ctia khdi chop c6 dién tich day B va chiéu cao /# 1a V =3Bh.
Loi giai
Chon D
Theo cong thirc tinh thé tich khdi chép, khdi lang tru va khdi hop chir nhat ta thay cac khang
dinh ding 1a A, B, C; khang dinh saila  D.

Cau 18: Cho hinh chép S.ABC c6 day ABC la tam gidc vudng tai B. Canh bén S4 vudng goc véi mat
phing day. Biét SA = AB =2a, BC =3a. Tinh thé tich cua S.4ABC 1a
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A. 3a’. B. 4a’. C. 2a°. D. .
Loi giai
Chon C
s
ax - c
O
B
11 3
V=——AB.BC.SA=2a".
32

Cau 19: Cho hinh chop S.ABCD c6 day ABCD hinh chit nhat véi1 AB =4a, BC =a,canh bén SD =2a

va SD vudng gdc v6i mit phang day. Thé tich khdi chop S.ABCD bang

A. 6a’. B. 3a°. C. §a3. D. §a3.

Chon C
Theo dé, ta ¢6 thé tich hinh chop S.ABCD 1a ¥ = %.SABCD.SD.

ABCD 1a hinh chir nhat nén S ., = AB.BC =4a>. Vay V, .cp, = %.4 a’2a= §a3

Céu 20: Tinh thé tich ctia khdi chop S.ABC c6 SA 1a duong cao, day la tam giac BAC vudng can tai A

- SA=AB=a
3 3 3 3
Av=L, B. V=%, c.v=2% p.v=%L.
3 = 6 3 9
Loi gidi
Chon B

Avc
B
3

1 1.1 1
Tacd: Vy e =5 SASype =3 SA— ABBC =—aaa = % .
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

DANG 2. MAT BEN VUONG GOC VOI PAY

Cau 21: Cho hinh chép S.4BC c6 day ABC la tam gidc vudng can tai B va AB =2a. Tam giac SAB
déu va nam trong mit phang vudng goc v4i day. Tinh thé tich ¥ ctia khéi chop S.4BC

3 3 3 3
A.V:“‘6 B.V:“‘ﬁ C.Vza‘g D.sza\/g
4 3 12 = 3
Loi gidi
Chon D
A o
B

Goi H 1a trung diém ctia AB suyra SH = a3

1
AB=2a=>BC=2a=>S,,, :§(2a)2 =24’

3
! %Zaza\f: 2a \/5

VS.ABC :g’SABC‘SH = 3

Céu 22: Cho khdi chép S.4BCD cb day 1a hinh vudng canh a2 , tam gidc SAC vudng tai S va nim
trong mat phang vudéng goc véi day, canh bén S4 tao véi day goc 60° . Tinh thé tich V' ciia khbi

chop S.ABCD .

3 3 3 3
A.Vz‘“g. B =43 C.V:“*@ D.Vzaﬁ.

12 3 12 12
Ké SH 1 AC, H e ACH suyra SH 1 (4BCD).

y N - a3
AC =2a, tam gidc SAC vudong & S, goc SAC =60 nén SAza,SCzax/g,SH:T.
2 2 3

Thé tich hinh chop 1a V:%(aﬁ) .#: a 3*/5
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Cau 23:

Cau 24:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.4BCD ¢6 déy la hinh vuéng canh bing 2a. Mt bén (S4B) 14 tam gidc déu
va nim trong mét phing vudng goc véi mit phang (ABCD). Thé tich cua khoi chép S.4BCD

la
3 3 3
A. 44’3, B."ﬁ. C.“ﬁ. 2.4“‘5.
2 4 3
Loi giai
Chon D

Goi H 1a trung diém ctia AB,tacd SH L AB.
Ma (S4B) L (ABCD) theo giao tuyén la dudng thing AB nén SH L (ABCD).

2 2a\/§ _ 4a3\/§

Thé tich khdi chép S.4BCD bang Vz%SABCD.SH:%(M) T

Cho khéi chop S.ABCD c6 day ABCD 1a hinh vudng canh a, tam gidc SAB cantai S va ndm
trong mit phang vudng goc véi day, SA = 2a. Tinh theo a thé tich khdi chép S.4BCD .

3 3
AV =24, B.V:a\/g. g.V:‘“/E. p.y=24
12 6
Loi giai
Chon C

Goi H latrung diém AB.
Theo dé, tam gidc SAB cantai S nénsuyra SH 1 AB.
Mit khac, tam giac SAB nim trong mit phang vudng goc v6i day nén suy ra SH L (ABCD) .

Xét tam gidc SHA vuong tai H .
a ? a\/—
SH =~SA* — 4H* = |(2a)’ 2

Dién tich hinh vuong 1a S ., =
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Cau 25:

Cau 26:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

a*\15
—

Vay thé tich khéi chop S.ABCD 1a V = %.SH.SABCD =

Cho hinh chop S.4BCco ddy ABC 1a tam giac vudng tai C, tam gidc SAB déu nam trong mit
phing vudng goc v4i day. Tinh theo a thé tich ctia khbi chop. Biét raing AB = a3 ;AC =a.

3 3 3 3
AL 3.‘“5. C.“‘E. D.“‘E.
2 4 2 2

Loi giai
Chon B
5
A B
C

|
Trong mit phang (S4B).Goi H la trung diém ctia 4B .
ASAB d&u=> SH L AB.
Ta co:

SH L AB
(SAB) " (ABC)= 4B} = SH L(4BC).
(S4B) L (4BC)

ASAB déu AB=a\3 :>SH:37a.

AABC 1a tam gidc vudng can tai C = AB> = AC> + BC> = BC =3d’ —a* = a2.

13a1 a2
=———a\/§.a=
$ABC 39 9 4

Cho hinh chop tir gidc S.ABCD c6 day ABCD la hinh vuong canh a, mat bén SAB 1a m{t tam
giac déu va nam trong mit phang vudng goc véi day (ABCD) . Tinh thé tich khéi chép S.ABCD
3 3 3 3
3 3
AL 3.‘“/_. C.a\/_. p. L.
6 6 2 2
Loi giai

Chon B
Hinh v€ minh hoa
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

S

B

Goi H 1a trung diém AB thi SH | AB va SH = —"*2/3
(S4B) L(ABCD)

Ta c6 1(SAB)N(ABCD)= AB=>SH L (ABCD). Suyra SH la dudng cao cta hinh chop.
SH 1 AB

Dién tich day S ,,., =a’

la\/g 7 _a3\/§

Vay thé tich khdi chop S.ABCD 14 V5, =%SH.SABCD =3 -

Cau 27: Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a, SA = # , tam giac SAC vuong

tai § va nam trong mat phang vudng goc véi (ABCD) . Tinh theo « thé tich ¥ cta khdi chop

S.ABCD .
3 3 3 3
A.V:‘@ . B.V:‘@ . C.V:*@ . D.V:*E" .
12 3 4 6
Loi giai
Chon A

Goi H 1a hinh chiéu vudng goc ctia S 1én AC.
Tacd SO = %AC = # suy ra ASAO 1a tam giac déu.

:>SH=a

6
1

lax/g ) aS\/g

Vay V =—. a =
VT 12

CAu 28: Cho hinh chép S.4BC c6 dy la tam gidc cantai A4, AB= AC =a, BAC =120°. Tam gidc SAB

1a tam gidc déu va nam trong mit phang vudng goc vi mit day. Tinh thé tich ¥ cua khdi chop
S.ABC.
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Cau 29:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

3
a

3
ATV=" B. V=24 C.V=d Q.V=%.

Loi giai

Chon D

(o]

a3

Goi H latrung diém AB,tacd SH L AB va SHzT.

(S4B) L (ABC)
Khi d6 <(S4B)N(ABC)=AB = SH L (ABC).
SH 1 AB
a3 1 a’

) —.a’.sin120° = —
2 2

2 ‘. 1
Thé tich khoi chop V7 =SH.S, e =

W | =

3

a
Vay V="
y V="

Cho hinh chép S.4BCD c6 day 1a hinh vudng canh bang 2a. Tam gidc SAB cintai S va nim
3

trong mat phang vudng goc voi day. Biet the tich khoi chop S.ABCD bang %. Goi a 1a goc

gitta SC va mat day, tinh tano .

3 245 7 J5
A. tanag =—. B. tanag =——. C.tanag=—. D. tanag =—.

3 5 7 = 5

Loi giai
Chon D
Dung SH L AB, do (S4B) L(ABCD) theo giao tuyén AB nén SH L(ABCD) = o = SCH .
1 4q°

Tacd Vg per = %SH‘SABCD = 5SH.4a2 :T =SH=a.

Do aSAB cantai S nén H la trung diém ctia 4B = HC =+ BH’ + BC* =av5.
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

__  SH _ a \/g
SDtanag=tanSCH =—— =—F= =—.
a\/g 5

HC
Cau 30: Cho hinh chép S.ABC c6 ddy ABC 1a tam giac vudng tai 4 . Hinh chiéu cia S 1én mit phing
(4BC) 1a trung diém H cia BC, AB=a, AC= V3, B —av3. Thé tich cua khéi chop

S.ABC bang
3 3 3 3
A.a\/g. B.a\/g. g.aﬁ. D.Ng.
2 2 6 6

Loi giai

B

Xét tam giac ABC vudng tai A co: BC =~ AB* + AC* =,|a’ +(a\/§)2 =2a.
H 1a trung diém cia BC nén BH =a.
Xét tam giac SBH vuong tai H c6: SH =+/SB* — HB? :,[(a«/i)z -a’=a.

Dién tich day ABC la: s, — %AB.AC . %az\ﬁ .

: , 1 1 1 3
Theé tich ctia khoi chop S.4BC la: V =§SH.SABC =§.a.§.a2\/§ = g/_ :
DANG 3. THE TiCH KHOI CHOP PEU
Céu 31: Thé tich cua khdi chop tir gidc déu co tit ca cac canh bang ¢ 1a
3 3 3
2 2 2
A.a\/_. B.a\/_. C.d. D.a\/—.
6 3 2
Loi giai
S
/1
|
|
|
|
|
- B

\7

EA—

Gia st khéi chop tir gidc déu da cho 1a S.4ABCD . Khi 6 ABCD 14 hinh vuéng canh @ va
SA=SB=SC=SD=a.
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi H 1a tAm cua hinh vuéng ABCD thi SH L (ABCD) nén SH 1a chiéu cao cua khéi chop
S.ABCD . Tinh SH :

Xét tam giac ABC vudng tai B taco: AC = \/AB2 +BC* = \/a2 +a’ —a2.

A a
Nhan thay 4C? = S4” + SC? nén tam giac SAC vudng tai S . Suyra SH = % =—

=)

Dién tich dy ctia khéi chép S.4BCD 1a S0 =4

2

a _a'\2

7 P

Céu 32: Cho mdt hinh chép tam gidc déu c6 canh ddy bang ., goc giita canh bén va mit phang day bang
45°. Thé tich khéi chép 6 1a

, . 1
Vay thé tich khéi chop S.4BCD 1a: y = %.s SH =3

ABCD *

N ES B. a o p, O3
12 12 36 36
Loi giai
Chon B

+ (84;(ABC)) = S40 = 45°
av'3
+ SO =A0.tan45° = T

2 3
+V:1.SO.SABC:1.£.G 3 _a
3 373 4 D2

Céu 33: Cho khbi chop tir gidc déu c6 canh day bang 2a canh bén bang a\/g . Thé tich ctia khéi chop da
cho biang

3 3
A 45a B. 434’ C. 4@“ . D. 4\/350’ .

Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Taco S,y =4a*; SO=SB* OB =\/54* -2d* = a3

1 a\/§.4a2 3 4x/§a3

Vay Vs isen :ESO-S ABCD ™ 3 3

Céu 34: Cho hinh chop tt giac déu S.ABCD c6 canh day bang a\/g , goc giita canh bén va mit day bang
60° . Tinh thé tich V ctia khdi chop S.4BC?
A. V =94’ B. V =24’ C.v=3d D. vV =6ad’
Loi giai

Chon D

2
Dién tich day 1a: S5, = 4B =(av/6) = 64"
Goc gilra canh bén SB va mat day (ABCD) la S/DT(—A_ZE) = SDO = SDO = 60°
ABCD 1a hinh vuéng suy ra DO = %BD = %AB\/_ = %ax/g.x/i = a+f3.

Xét tam gidc vuong SOD :SO = DO.tan SDO = a+/3.tan 60° = 3a.
Va 1 1 2 3
ay Vs isep =§.SO.SABCD :§.3a.6a =6a’.

Céu 35: Cho hinh chép tam giac déu S.ABC c6 d6 dai canh day bang ., goc hop boi canh bén va mit
day bang 60° . Thé tich cua khdi chop di cho bang
3 3 3 3
3 3 3 3
NEAES g V3 . &8 p, 8.
- 12 3 6 4
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Cau 36:

Cau 37:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Loi giai
Goi H 1a tAm cua tam giac déu ABC.

a3

Khi d6 SH L(4BC), BH ==

Theo dé bai ta ¢o: (m) — SBH = 60°.

3
Xét ASBH vuodng tai H C6 SH = BH.tan 60° =§.\/§:
. 1 1 azx/g a3\/§
Thé tich V 5c =§SH.SAABC =§a. 1 1

Cho hinh chép déu S.ABCD c6 chiéu cao bang a2 va do dai canh bén bang a/6 . Thé tich khdi
chop S.ABCD bang:

A. 10a3\/§. B. lOaS\/E. C. 8"3\/5. D. 8"3\/5.
3 3 3 =3
Loi gidi
Chon D

g =

Goi O=ACNBD thi SO=a+2.
Tam gidc SOA vudng tai O va 54 =a-/6 nén OA=+SA-SO* =2a= AC=BD=4a.

Q , ‘ 1 ACBD 1 [=4ada 8a°\2
Thé tich khoi chép 5.4BCD bing V =—.50. =§.a\/§. “2 4_ "3[_

Xét khoi chop tam giac déu canh ddy bang ¢, canh bén bang 2 lan chiéu cao tam giac day. Tinh
thé tich khdi chop.
3 3 3 3
3 Vo6 2 V2
NEa:S B. 12 ¢ O p. L=
2 18 - 6 4

Loi giai

Chon C
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi H 1a trong tdm tam giac ABC = SH L (ABC).

af

Goi M 1a trung diém ctia canh BC = AM 1| BC,AM =——= S4 = a3 .

2
Xét tam gidc SAH vudng tai H = SH =~/SA*> — AH? :\/(a\/g)2 _[g'a;/gj - 2a+/6 _

3 3

_1 a*\3 2ax/g_a3x/§

1
Taco: V. ==—.S, .-SH =—. . =
aCo: Vg 4pc 3 “asc 3 4 3 6
CAau 38: Thé tich khoi tir dién déu ¢ canh béng 3.
A N2 42

. . B. 24v2. C.—. D. V2.
A — V2 5 J2

4
I D
E
C
33

C6 ABCD déu canh 3 :>BE:T:>BH:x@.

Chon A

AABH vuéng tai H = AH =~/ AB*> - BH* = |3 —(\/5)2 =6

1 1 3f o3
S ~BECD=—223_2N
aBCD = 5 2 4
| | 9[ 9J—
= VABCD 3 AH SABCD \/>

4
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cau 39: Cho khdi chép tir gidc déu ¢ canh day bang ¢, canh bén gip hai lan canh d4y. Tinh thé tich 7’

ctia khdi chop di cho.
14a’ 14a’ 24a° 2a°
NE R gy Y14 ey p.y -2
- 6 2 2 6
Loi giai
Chon A

Goi O la tam hinh vuéng ABCD, ta c6: SO L (ABCD).

R GV o
Trong tam giac SOC vudng tai O ¢6: SO =vSC* -0C’ = (Za)2 —[az _NT

2
1 a14 az_a3\/ﬁ

2 4 1
Thé tich khoi chép S.4BCD la: V =—.80.8 50, =—.
3 3 2 6
Céu 40: Cho hinh chop déu S.ABCD ¢6 day ABCD 14 hinh vudng canh . Canh bén S4 tao véi day goc
60°. Tinh thé tich khéi SBCD .

3 3 3 3
A.a\/g. B.a\/g. c.a‘/g. D.a\/g.
6 D) 6 12
Loi giai
Chon B

Goi O=AC N BD. Do hinh chép S.ABCD déunén SO L(ABCD) suyra OA 14 hinh chiéu

vudng goc cita 4 trén mp(ABCD) = (S4,(ABCD)) = (S4,04) = SA0 = 60°
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Cau 41:

Cau 42:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2
Ta c6 SO = AO.tan 60° 2&.\/_:M; Ssco =a—.
2 2 2
L 1 1 a6 ¢ a6
Tu dO, VSBCD ZESO‘SBCD :§.7.7: 1 .

Cho khéi chép déu S.ABCD c6 canh day 1a @, cac mit bén tao voi ddy mot goc 60°. Tinh thé
tich khoi chop do.
3 3 3 3
3 3
A.a\/_. B.a\/_. C.aﬁ. D.a\/g.
2 12 = 6 3

Chon C

Goi M 1a trung diém BC, Goc giita mit bén (SBC ) va mit phang (ABCD) la goc
SMO =60°.
a\3

Xét ASOM ¢o OM:%, SMO = 60° thi SO=OM.tanS/J\T()zg.\fzT

1 3
Nen ¥ yp =550 e = % (dvtt). Pap 4n dugc chon 3 C.

Cho khdi chop tir giac déu S.ABCD c6 canh day bang . Biét ASC = 90°, tinh thé tich V' cua
khéi chop do.
3 3 3 3
AV=2L B.Vza\/g. g.vz‘“/g. D.V:“‘/E.
3 3 6 12
Loi giai

Chon C
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

r. 2
Ta co: SABCD =a.

Goi H 1a tam cta hinh vuéng ABCD . Tam giac ASC 1a tam giac vudng, H 1a trung diém

AC
cia AC nén SH :—:ﬁ.
2 2
. 1 1 a\/g a?’\/g
Vay Vo ipep = gsABCD'SH = g-az-T ~ 76

Céu 43: Cho hinh chop tt giac déu S.4BCD c6 canh day bang @, goc giira canh bén va mit ddy bang 60°
. Thé tich khdi chop S.4BCD 1a

3 3 3 3
A.a\/g. B.aﬁ. C.Ng. D.a\/g.
il 6 12 2

Loi giai
Chon A

Goi O 1a tm cua day thi SO 1 (4BCD). Suyra SDB=60°.

‘ DB3 a6
ASDB du nén SO = DBY3 _ i
2 2
7 , 1 6 a6
Thé tich khéi chop S.4BCD 13 p — % S 11 SO = Eaz' “‘2/_ _4 g/_ ,

Céu 44: Hinh chop tam giac déu S.ABC c6 canh ddy 1a ¢ va mit bén tao v6i day goc 45°. Tinh theo ¢
thé tich khéi chép S.4BC.

a a
A —. B. —. C. —. D. —.
8 4
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Cau 45:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Chon B

B
Goi G 1a tam cua tam giac déu ABC va M 1a trung diém BC.

Theo gia thiét goc gifra mat bén va day bang 45° suy ra SMG =45°.

1 f

‘ 3
Tam giac ABC déu canh 0 nén AM = %a va GM =AM = ¢

Xét tam giac SGM ¢o tanS/Z\-/[\G :ﬁi tan45° = 5G —=5G=GM :&
GM GM 6

V3 ooaV3
PR

3
a

Vay thé tich khoi chop S.ABC 1a Vs 45 = ; S 15c-SG —% 7

Cho khéi chép c6 day hinh thoi canh a (a > 0) cac canh bén bang nhau va ciing tao véi day goc
45° . Thé tich ctia khdi chép di cho bang

1 3 3a’
A ——a B. V24’ c.—. .
=32 P2 NG

Loi giai

Chon A
Ta c6 hinh v€ dudi day.

Xét khéi chop trén ta thdy hinh chiéu vudng goc ctia S 18n mit phang day tring véi tam cua
hinh thoi ABCD.

Mit khac SA =SB =SC =SD va goc hop boi cac canh bén bang 45° nén ta c6 cac tam giac
vudng cin tai O bang nhau: ASOA = ASOB = ASOC = ASOD .

2

Suy ra hinh thoi ABCD 1a mét hinh vudng dién tich ddy bang S ,,, = a
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Cau 46:

Cau 47:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

1 a\/z

Chiéu cao ctia hinh chép trén 1a: SO =0D = EBD = .

2
R 7 - , M 1 1 a\/E a3
Suy ra thé tich khoi chop bang Vs ., = E'SO'SABCD = 375 a’ = Nk
Tinh thé tich khéi t&r dién déu co tat ca cac canh béng a
A a. B. £a3. C. La3. D. 6a’.
12 12
Loi giai
Chon B
A
B D
M
c
Goi M 1a trung diém ctia CD. Ta co BM =§ = BH :é. AH =~ AB> —BH* = a\S/E
2

Do day BCD la tam giac déu canh a = S, ., = # .

1 a*\3 a6 . 2

Vay thé tich ttr di¢n déula V., =~ —=—d
i ' w3 Ty T
Cho hinh chép tir giac déu ¢ canh day bang a, goc giita canh bén va mit day bang 60°. Thé
tich khdi chop 1a
3 3 3 3
A.‘“/g. B.“Jg. C.“ﬁ. D.‘“/g.
6 2 6 3

Loi giai

Chon A
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Gia sir hinh chop tir giac déu 1a S.4BCD . Goi O la giao diém ctia BD va AC .

aN?2
5

Taco SO L(ABCD), SA0=60°, AC = a2 = 04 =

V6 )

Khi d6 SO = AO.tanS%=aT’ S sep =a>.

a*\6

6 -

Thé tich khéi chop 1a ¥ = %SO.SABCD =

Cau 48: Cho hinh chép tam gidc déu S.4ABC c6 canh day béng 2a, canh bén tao vdi ddy mot goec 60°.
Thé tich khdi chép S.4BC la

3 3 3
A.za\@' B.‘“g. C.“‘E. D. a’\3.
3 3 4
Loi giai
Chon A

0 Goi O 1a tim duong tron ngoai tiép A4ABC thi SO L (4BC). Suy ra SAO =60°.

0 A0=3.2a.£= 2013
3777 3

, SH = A0.tan 60° = 2a .

CORERN-S

0 Dién tich AABC 1a S, =T a

3
0 Thé tich khdi chép S.ABC 1a ¥V = %SABC S0 = 2“3‘/5 .
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Cau 50:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép tir gidc déu S.ABCD c6 canh day bang 2a, canh bén bang 3a . Tinh thé tich V'
ctia khdi chop di cho.

4\/7a3

A V=474, D. V= .

Chon D
Dién tich ddy S ., = (2a)" = 4a’.
S.ABCD la hinh chép tir giac déu nén SO L(ABCD).

h=S80=+SA*— 40> =\9a* =24> = a7 .

) 1 4a*\7
Vay Vs ysep = ESh = 3

Kim tu thap Ké - 6p & Ai Cép duoc xay dung vao khoang 2500 nim trudc Cong nguyén. Kim tur
thap nay 1a mot khéi chop tir giac déu o chidu cao 13 147m , canh day 1a 230 m . Thé tich cua

no la

A. 2592100 m*. B. 2952100 m’. C. 2529100 m’. D. 2591200 m°.
Loi giai

Chon A

230 m

Goi khéi chop tir gidc déu 1a S.ABCD c6 day 1a hinh vudng canh 230 m ; chiéu cao
SH =147 m.
Thé tich cia nd 1a: V, 0 = %.SABCD SH = %.(2302 ).147=2592100.

Vay thé tich Kim ty thap 12 2592100 m®.
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DANG 4. CANH BEN VUONG GOC VOI PAY

Cau 51:

Cau 52:

Cho hinh chép S.4ABC c6 day la tam giac vuong can tai C, canh bén S4 vudng goc véi mét day,

3

bidt AB =4a,SB = 6a. Thé tich khéi chép S.4BC 1a V. Ty s ;’—V la

R B V5 c. Y5 p. 35
80 — 40 20 80
Loi giai
Chon B
Ta co:

+ AABC vuodng can tai C, 4B =4a suy ra

AC = BC =2a/2.

Do d6: S, :%AC.BC =4a’.

+ S4 1L (ABC)= SA L AB= AABC vuéng tai 4

SA=~SB* - AB* =/(6a) —(4a)’ =2aV5.

+Khdi chép S.ABC c6 SA L (ABC)

3
sy=Ls, sa=Laa22ay5-32 V5
3 3 3
3 3
Vay ty s6: “—=“—=£.
3V 3.8a%/5 40
3

Cho hinh chép tam gidc S.ABC c6 ddy ABC la tam gidc vuong tai B, AB=a, ACB = 60°,
canh bén S4 vudng goc voi mit day va SB hop véi mat day mot goc 45°. Tinh thé tich ¥ cua

khdi chop S.4ABC.

3 3 3 3
A.V:‘“/g B.V:“ﬁ a 1).1/:‘“/g
18 12 243 9

Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

S

. %

ABC latam gidc vuongtai B, AB=a, ACB = 60° = BC = 4B 5 zﬁa
tan 60 3

(SB,(ABC)) = (SB, AB) =45 nén tam giac SAB vuongcantai § = S4=AB=a

1 \/5 a3\/§

BABCSA=—a.a—a =
6 3 18

1
VS.ABC = ESAABC SA =

N | =

1
3
Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh chit nhdt 4B=a va AD =2a, canh bén SA4
vudng goc v6i day. Tinh thé tich ¥ ctia khéi chop S.4BCD biét géc giita hai mit phang (SBD)
va (ABCD) béng 60°.

3 3 3 3
A.Vza\/E B.Vza\/E =4a\/E D.Vza\/E

15 6 = 15 3

Chon C

Ké AE 1 BD
((58D).(4BCD)) = SEA = 60°
Xét AABD vudng tai 4

AD.AB  2d* 2a\5

AE = = =
Jap? + 42 a5 5

Xét ASAE vudng tai 4
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SA= AE.tan 60° = 2"5*5 B = 2a\5/E

Khi dé thé tich S.ABCD

1 24415

1 ,  4d’15
V ==SAS jprr =—. 24% =
3 TTABCD Tyt g 15

Cau54: Cho hinh chép S.ABCD c6 AB=5v3,BC =33, gbc BAD=BCD=90°, SA=9 va SA

vudng goc voi day. Biét thé tich khdi chép S.ABCD bang 663 , tinh cotang ctia goc gitra mat
phang (SBD) va mit day.

S
D
B
C
A 20\/273' g YL C. 3\/273' D. 991
819 9 20 9
Loi giai
S
D
B
C

. 1 1
C6: Vs anep =554 ncp 663 = 9S50 = Sacr = 443

Suy ra %AB.AD + %BC.CD =443 < 54D +3CD =44 . (1)

Ap dung dinh li Pitago trong 2 tam giac vuéng ABD;BCD, ta co:

AB* + AD* = BD* = BC* + CD* < CD*> — AD*> =48 (2)
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

AD =4
Tw (1) va (2) suyra
(va@suyra| 47

AD = 4—27 khong thoa man do tur (1) ta co: 4D < 4—54 = AD =4.

Trong tam gidc ABD, dung AH | BD laic6 SA 1L BD = BD 1 SH .

Vay goc giita (SBD) va day 1a goc SHA.

AB.AD  20~273 ooy AH 204273
) .

D& tinh BD =~/91, AH = , cot SHA =
S4 819

Cho hinh chép S.4BC ¢ ddy ABC 1a tam gidc déu, SA L (ABC). Mt phing (SBC) cach 4
mot khoang bang a va hop véi mat phing (ABC) goéc 30°. Thé tich cua khdi chép S.ABC

bang
3 3 3 3 3
A5 p 8¢ c. Y3 p. 4
9 3 12 9
Loi giai
S
A C
1
B

Goi I 1a trung diém stia BC suy ra goc giira mp(SBC) va mp(ABC) la SIA =30".
H 14 hinh chiéu vudng goc cia 4 trén S/ suy ra d(A,(SBC)) =A4AH =a.

AH

=2a.
sin30°

Xét tam gidc AHI vudngtai H suyra Al =

. o . 4q
Gia su tam giac déu ABC c6 canh bang x, ma A/ 1a duong cao suy ra 2a = xT =>x= ﬁ

Dién tich tam giac déu 4BC 1a S BC = (4—61)

? £_4612\/§

4 3

NG

2
Xét tam gidc SAI vuong tai 4 suyra SA = Al.tan30" = “= .

N
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Cau 57:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A 1 1 4a°\3 2a 8d°
Vay Vs e = E'SABC'SA =—. = _

373 3 9

Cho khéi chép S.ABCD c6 ddy ABCD la hinh vudng canh a . Hai mit phing (SAB) va (SAD)

cung vudng goc v6i day. Tinh thé tich khdi chop S.ABCD biét ring SC =a/3 .

a a3 a3

A. VS.ABCD =a’. B. Vs ascp = ? C. VS.ABCD = T D. VS.ABCD = 9

Loi giai

Chon B

B
Vi hai mét phing (SAB) va (SAD) cing vudng gbc voi day. Ma (SAB)N(SAD) =S4 nén
SAL(ABCD).

Ta cé: AC =aJ2: SA=~SC* - AC’ =\/(a\6)2 —(aﬁ)2 —a.

Thé tich khéi chop S.ABCD 1a: V, ., = %SA.SABCD —saat =%

Cho hinh chop S-4BC o day 1a tam giac 4BC vuong tai €, 4B=2a AC=a vy S4 yyong
goc v6i mit phang (4BC). Biét goc giita hai mit phing (S4B) va (SBC) bang 60°. Tinh thé

tich ctia khéi chop S-ABC

3 3 3 3
A.“‘E. B.“‘/g. C.“*/g. D.a\/z.
6 = 12 4 2
Loi gidi
Chon B
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Trong AABCké CH 1L AB = CH 1 (SAB) = CH 1 SB(1).

BC =~ AB*> — AC? =a\/3,

BH.BA=BC?,

:>BH:37a, CH = BC* —BH’ = "f .
Trong ASABké HK L SB = CK 1 SB(2).

Tu (1),(2) = HK L SB.
Géc gitta hai mét phang (S4B) va (SBC) 1a CKH = 60°.

Trong vudbng ACKH ¢6 HK = CH.cot60° :%, BK =<BH?-HK*> =av/2 .

ASAB @ AHKB(g.g) nén ~2 =48 _ 24 _ g, _a
HK BK a2 2
7 1 1 a 1 a*\J6
Thé tich hinh chép S.ABC 14 V =—S4.S.. =———.—a~l3.a= .
P 3 3 2 12

Cho khéi chép S.ABC c6 day ABC 1i tam gidc cin tai 4 véi BC =2a, BAC =120°, biét
SA 1 (ABC) va miat (SBC) hop voi ddy mot goc 45°. Tinh thé tich khéi chép S.ABC .

3 3 3
a a a
A —. B. ’\2. C. —. D. —.
2 =9 3
Loi giai
Chon C
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

S

> Goi I 1a trung diém BC.
+ Do AABC cantai A nén BC 1L Al

+ Mt khac do S4 L (ABC)= BC L 54

Suyra BC L SI.

Do d6 goc giita (SBC) va day chinh 1a goc SIA = 45°.

> Xét AAIB vuong tai I ¢ IB=a, IAB=60°, suyra [d=———=-—
tan60° /3
ASAI vuéng tai A c6 [4=—= SI4=45° nén ASAI vudng can tai A, dod6 SA=I4=-% .
NE 5
X , L 1, . 1 11 a’
» The tich cua khoi chop S.ABCla V = ESAABC‘SA = EEBC.AI.SA =3

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat c6 AB=a, AD =2a; SA vudng goc
v6i day, khoang cach tir 4 dén (SCD) bang %. Tinh thé tich ctua khdi chop theo a.

A. £a3. B. 4WI1s a’. C. ﬁcf. D. ﬁcf.
45 15 15 45
Loi giai
Chon A

Goi H 1a hinh chiéu vudng goc ctia diém A trén dudng thang SD . Ta cd
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Cau 61:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

AH 1. SD a
= AH 1 (SCD)= AH =d(A,(SCD)). Suyra AH =—.
AH 1. CD 2
ASAD vudng tai A c6 duong cao AH nén
1 1 1 1 1 115 2a+/15
2 oq2 P T e 2 =7 > 8= :
AH SA4 AD SA AH® AD 4a 15
Vay V =L 4B.ADSA = La2a. 2a\15 _ 415 4.
3 3 15 45

Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a, SA vuong goc voi day ABCD,
géc gilta hai mét phang (SBD) va ABCD bang 60°. Goi M ,N lan luot 1a trung diém cua
SB,SC . Tinh thé tich khbi chép S.ADNM .

a’6 a’6

AV = . B. V= . C.V

B 3a3\/€ a3\/g

D. V= .

= 16 24 16 8
Loi giai

Chon A

Goi O=ACNBD.
AO 1 BD = SO 1 BD . Nén gbc cita (SBD) va ABCD 1a goc SOA=60".

1

. 1
VSADN = E'VS.ADC = Z'VS.ABCD va VS.AMN = 5 VSABC = gVS.ABCD'

N | =

= Vs aow =Vsaonw T Voanw = gVS.ABCD'

3
SA= A0.tan SO4 :%tan 60° = “26 = Vs anep = %SABCD-SA =2 f :
3 a3\/€ a3\/€
:VS.ADMNzg‘ 6 = 6

Cho khéi chdp S.4BCD c6 day 1a hinh vudng canh a, S4 vudng goc véi day va khoang cach
. ) . 3 . ‘
tir C dén mit phang (SBD) bang %. Tinh thé tich ¥ cta khoi chop da cho.

3 3
AV=2 B.V=d’. g.V:%. D. V=

2

V3d®

9

Page 36



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi giai

Chon C

Goi O=ACNBD, goi H la hinh chiéu ctia 4 1én SO.

Vi O la trung diém ctia AC nén d(C,(SBD))=d(4,(SBD))
Ta c6: BD L AC; BD 1. SA= BD 1 (SAC)=(SBD) L (SAC);
SO =(SAC)N(SBD)

)-8

AH 1. SO=> AH 1 (SBD)=> AH =d(A,(SBD))=d(C,(SBD) -

Ta c6: AOz%.

1 1

A se a0 AT

Trong tam giac SAO:

1 a’

Viapen = E’SABCD SA = ? .
Cau 62: Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a, S4 vudong géc voi mat day, SD tao voi mat
phang (SAB)mot géc bang 30°. Tinh thé tich ¥ cua khéi chop S.ABCD.
3 3 3
A V=B E.Vz\/ia. C.Vz\/lgg . D.Vz\/ia .

Loi giai

Chon B
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Caiu 63:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Ta ¢6 hinh chép S.ABCD cé day l1a hinh vuong canh, SA vudng géc véi mat ddy nén DA | AB
va DA 1 SA .Suyra DA L (SAB) . Vay goc giira SD va mit phing (SAB) 1a DSA=30°.

Tacd SA=AD.cot30°=a/3

1 1 J3

V== S48 e =§.ax/§.a2 :Ta3.

Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi, goc BAD béng 120°, AB = a . Hai mat
phang (S4B) va (SAD) cung vudng goc voi ddy. Goc gitta (SBC) va mit phang day 1a 60°.
Tinh thé tich ¥ cta chép S.ABCD .

3 3 3 3
Ay 22015 B.v=% g.V:“\E. D.V=‘“/§.
15 12 4 12

Chon C

D T c
Vi hai mét phing (SAB) va (S4D) cing vudng gbc véi day nén SA L mp(ABCD).

a3
2

Ta c6 tam giac ABC déu canh a, goi [ la trung diém cua BC khi d6: AI =

Va géc gitta (SBC) va mit phang day la SIA=60°.

Xét tam gidc SAI ta co: % - tan(@) = 54 = Al tan(60°) = 54 = 37" .

a3 _a'\3

Ta c6 dién tich day ABCD1a: S, =28 50 = 2(%AI.BCJ = Ta =

3a a’\3 a3

, 1 1
Thé tich cua chop S.ABCDl1a:V =—SA.S =— —
P 37 AP 3Ty ) 4
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DANG 5. MAT BEN VUONG GOC VOI PAY

Cau 64:

Cau 65:

Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh vudng canh a, mit bén S4B la tam gidc can
tai S va nam trong mit phang vudng goc véi day; goc gitta SC va mat phang day bang 45°.
Tinh thé tich khéi chép S.ABCD bang:

3 3 3 3
A.“*B B."ﬁ C.“ﬁ D.“\E
12 9 24 =6
Loi gidi
Chon D

Goi H 1atrung diém cua AB, ASAB cantai S = SH 1 AB

(S4B) L (ABCD)
(S4B)N(ABCD) = AB ;= SH 1 (ABCD)
SH < (S4B);SH 1 AB

(SC;(ABCD)) = SCH = 45° = ASHC vudng can tai H
[ a’ Cl\/g 2 2
=SH=HC = BC2+BH2: 02+T:T; SABCD:AB =da

1 1 a\/g a3\/§
= VS.ABCD :E'SABCD’SH :gaz.T: 6

Cho hinh chép S.4ABCD c6 ddy ABCD 1a hinh chit nhat, tam gidc SAB 1a tam giac déu canh
a va nam trong mit phang vudng goc voi day. Mit phing (SCD) tao voi day goc 30°. Thé tich
khéi chop S.ABCD 1a?

3 3 3 3
A."‘/g B."‘/g C.‘“/g 1).5“‘/§
=y 2 36 36

Léi gidi
Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi H, K lan luot 1a trung diém AB va CD.

Suy ra SH 1 (ABCD) va ((m)) = SKH =30°.

Xét ASHK vuong tai H,cd HK = SH :&:L:?)—a.
tan30° 2 3 2

A 1 1 a3 3a a3
Vay Vs izen ZESH-SABCD ZE.T.a. 5 2

Cho hinh chép t gidc S.4BCD c6 ddy ABCD 1a hinh vudng canh bang V2a. Tam giac SAD
can tai S va mit bén (SAD) vudng goc voi mit phing ddy. Biét thé tich khoi chép S.4BCD

bang gcf . Tinh khoang cach 4 tir B dén mit phang (SCD).

A.h:ia B.h:ia C.h=£a D.h=£a
3 2 5 3
Loi giai
Chon A
Goi H latrung diém cua AD.Nén SH 1 AD ¢
(SAD) L (4BCD)
(SAD)(ABCD)= AD = SH 1 (ABCD)
AD | SH
T D i ] B
| A
Taco: S, =2a° | H
D" C
3
3 4a
= SH = V. 24 =2a
ABCD 2a

Goi 7 14 hinh chiéu cua H 1én SD

d(B;(SCD))=d(4:;(SCD))=2d(H;(SCD))=2IH
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Cau 67:

Cau 68:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2a a\/E

i g - SHHD _ SHHD __ ) _2,

SD  sH*+ HD o) 3
\/(2a)2+{ \2/§J

Vay d(B;(SCD))=—

Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh vudng va tam gidc SAB déu nim trong mit
phéng vudng goc voi day. Biét khoang cach giita hai duong thing S4 va BD bang ~/21. Hay
cho biét canh day bang bao nhiéu?

A. 21 B. 21 Cc.7\3 D. 7
Léi giai
Chon D

Gid st AB=a.Goi H latrung diém ctia 4B = SH 1 AB= SH 1 (ABCD)

Tacd SABD = (SH + HA)(BA+ BC)= HABA=~a’
2

5 < o=\ 1 o < R\ 7
S a ﬁ.cos(SA,BD)—Ea @cos(SA,BD)—F:sm(SA BD) \/;
Vipen = ;SH AB. AD—%i \/— @ =V =1—\/2§a3

<:>6SABDdSABD sm(SABD)—ga @— \ff\f —a Sa=7

Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang vuongtai 4 va B, BC = %AD =a.Tam
gidc SAB déu va nam trong mit phang vudng goc véi day, goc gitta SC va mit phang (ABCD)
N \/E , A 7 A ,
bang a sao cho tana = - Tinh thé tich khoi chép S.ACD theo a.

Cl3 Cl3 a3\/§ (13\/§
A Vs ep :7- B. Vs 4cn :?- C. VS.ACD :T- D. VS.ACD :T-

Loi giai
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B C

Goi H 1 trung didm 4B, tir gia thiét ta c6: SH L (ABCD), (SC,(ABCD))=SCH =a .

2 2
Pit AB=x,taco: HC =~ BH? + BC? :4/%+a2 , SH=HC.tana=1/%+az.g.

2
Mt khac SH:%.Vaytacé: ,/%+a2.§=§<:>x=a.

AD+BC).AB 34 2 1 a3
S scp = ( > ) = 5 5 S en ZESABCD =a’; Vs.aco ZESH'SACD =

Cau 69: Cho hinh chop S§.4BCD c6 day la hinh chit nhat; 4B =a; AD =2a . Tam gidc SAB can tai S
va ndm trong mit phang vudng goc véi day. Goc gilta duong thang SC va mp(ABCD) bang
45°. Goi M 1a trung diém ctia SD . Tinh theo a khoang cach d tir diém M dén (SAC).

NI NEER B go2a3s o ai31s D, g 2a1513
= 89 89 89 89
Loi giai

Goi H 1a trung diém doan AB = SH L (ABCD).

2
Xét aBCH vuong tai B, c6: CH = ,|4d” +“T - “*éﬁ :

a\34

2

a

) 17
Xét aSHC vuong can tai H, c6: SH = > :SC =
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174> a* 3\/5
+t—="Ta.

Xét aSAH vuong tai H,co: SA=
4 4 2

Xét aABC vuédng tai B, co: AC =+a* +4a*> =av/5.

=8, suc :ﬁaz
4
5 1 a’N17 1 a’\17
Taco: Vs jpop =V ==SH.S yop =———; Vi yop ==V =
3 3 2 6
1 a7 1 /89 av1513
VS.ACM :EVS.ACD ZT. Ma VS.MAC zg‘d'SASAC =?a2.d =d= 29 .

Céu 70: Cho hinh chép S.4BC c6 ddy ABC la tam giac vudng tai 4. Hinh chiéu ctia S 1én mat phang
(ABC) 1a trung diém H cia BC, AB=a, AC=a3, SB=a/2. Thé tich ciia khéi chop

S.ABC bing
3 3 3 3
A.a\/g. B.a‘/g. g.a\/g. D.a\/g.
2 2 6 6

Loi giai

B

2
Xét tam gidc ABC vudngtai A c6: BC =~ AB’ + AC* =,|a’ +(a\/§) =2a.

H 14 trung diém cia BC nén BH =a.

2
Xét tam giac SBH vuodng tai H c6: SH =+/SB*> — HB® = (aﬁ) -a’=a.

Dién tich ddy ABC 1a: S, = %AB.AC = %azﬁ .
: , 1 11 }
Thé tich ciia khdi chop S.4BC 1a: V= SH.S 5 = E.az.ak/_ = % .

Cau 71: Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat, mat bén SAD la tam gidc vudng tai
S . Hinh chiéu vudng goc cua Strén mit phing day 1a diém H thudc canh AD sao cho
HA=3HD . Biétrang SA= 2a/3 va SC tao v6i ddy mot goc bang 30°. Tinh theo a thé tich
V cua khdi chop S.ABCD .
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3 3
AV =8J6a. 5.1/:8*/38“ . C. V=824 D.V:S\/gga .

Loi giai

Ky
D I A

SH* = HD.HA = 3HD" = SH =~[3HD

nSDH =" =3 o
co: ?f :Ezﬁ:SD:Tzza:DA: SD? + 84> =4a.

tan SDH = — 3

SD
DH=Lpa=a.
4
Tam giac SHC co tanS/C'T-I:S—H:>tan3O°:S—H:>HC: SH =3a.
HC HC tan 30°

Tam giac DHC ¢6 DC =+ DH?* + HC? =22a

1 1
Vay Vs uep =5 SH.AD.DC = 5.\/§a.4a.2x/§a =

8\/ga3
3

Cho hinh choép S.ABCD c6 day 1a hinh thang vuéngtai 4 va D, AB=AD =a, CD =2a . Hinh
chiéu ctia dinh S 1én mét (4BCD) tring véi trung diém ciia BD. Biét thé tich tir dién SBCD

3

bang %. Khodang cach tir dinh 4 dén mit phang (SBC) 1a?
NEAE B, Y2 c. 43 AL
2 6 6 - 4
Loi gidi
Chon D
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s

S
=

Goi M 1a trung diém ctia CD thi ta co6 ABMD 14 hinh vudéng canh ¢ do d6 BC = BD = a2
= CD’ =4a” = BC* + BD* do d6 tam gidc BCD vudng can tai B .

Goi H 1a trung diém ctia BD thi SH L (ABCD).

a
6.—=
s 1.1 J6 a6
Khid6 v 0, =< SH.— BD.BC = SH = Y R
Ha HI L SB.

Vi ABMD 13 hinh vuéng nén H 1a trung diém cua AM vata c6 AMCB 1a hinh binh hanh do
d6 AH/IBC = d(4;(SBC))=d(H;(SBC))=HI .
a6 a6

U | 1 1 4 2 8
Khi d6 = = —= = Hl =—— ha d A, SBC =
HI” SH® HB 6 & 3a 4 Y ( ( )) 4

Hinh chép S.ABCD c¢6 day ABCD la vubng canh , hinh chiéu vudng goc caa § trén mit phing
(ABCD) trung véi trung diém cia canh 4D; goi M 1a trung diém ciia CD; canh bén SB hop
v6i day goc 60° . Tinh theo , thé tich ctia khéi chop S.ABM .

A. a'V1s B. a'V1s C. a'V1s D. a' V15
3 6 4 =1
Loi gidi
Chon D
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, 1
Taco NV :ESABCD :Eaz'

Goi I 14 hinh chiéu vudng goc ctia § trén miat phang (ABCD)

2
IB =14 + AB? = /(%) v q? = "25

Ta 6 IB 1a hinh chiéu vudng goc ciia SB 1én mp(ABCD)=>(SB,(ABCD))=(SB,1B) =60’

Ta cé SI = IB.tan60 = a 215
1 1 ax/ﬁ a’ a3x/ﬁ
= VS.ABM :g'SI'SAABM :g. > .7: 2 .

Cho hinh chép S.ABC ¢6 day ABC 1a tam giac déu canh ¢. Hinh chiéu vudng goc ciia S trén

day 1a diém H trén canh AC saocho AH = % AC ; mit phing (SBC ) tao vdi day mot goc 60°

. Thé tich khéi chop S.4BC 1a?
a\3 5 a\3

12 - 48

a\3

36

a\3

A.

C.

D.

24

Loi giai

Goi M 1a trung diém ctua BC.
Neom N _CH 1 gNjiaM . Ma
CM CA 3

AABC déunén AM L BC= HN L BC = BC L(SHN).
Nén (SBC);(ABC)=SN;HN = SNH = 60" .
a3 1

Do AABC d&u nén AM=7:>HN=§AM=QT.

V3

ASHN vuong tai H ¢o SHzHN.SinS/NT-I 2%.sin600 :%_

1 1 a a2\/§ a3\/§
VS.ABCZESH-SABCZE‘Z' 4 =

48

Cho hinh chép S.4BC c¢6 day ABC 1atam giac vuongtai A vacd AB=a, BC= a\/g . Mit bén
(SAB ) 1a tam giac déu va nam trong mit phang vudng goc vi mit phing (ABC ) . Tinh theo @
thé tich cta khdi chop S.4BC.

3 3 3 3
A.Vzaf. E-VJIf- C.V=2a3\/€. D.Vzaf.

Loi giai

Chon B

Goi H 1a trung diém ctia canh AB . Do ASAB déunén SH 1 AB
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(S4B) L(A4BC) - S

(SAB)N(ABC)=AB = SH L(ABC) PN

SH < (SAB),SH L AB "4 '*:; 4 B //;;. B
\ , S T

Vay SH 1a chiéu cao cta khoi chép S.ABC. &

AABC vubngtai A ,taco: AC =~/ BC* — AB* :,/(a\/g)z—az =a\2
2
1 1 a \/5’ SH = ax/§

S,..=—AB.AC =—.a.a\N?2 =
ABC 2 2

2 2

l a*\2 a\/g_aS\/g
3- . - .

, , 1
Thé tich khoi chop S.ABC 1a: V. =-2S,..5H=
cuc 01 chop a: Vs apc 32 4BC ) ) 12

Cho hinh chép S.4ABC c6 day ABC 1a tam giac vudbng tai A vacoé AB=a, BC = a\/g. Mat
bén S4B 1a tam gidc déu va nam trong mit phing vudng goc véi mit phang (AB C ) . Tinh theo
0 thé tich ciia khdi chop S.ABC.

3 3 3 3
A By =96 c.y=a6 by Y6
- 12 4 8 6

Loi gidi
Chon A
s
ak- c
H
B
Xét tam gidc ABC vudngtai A, tacd: AC =+ BC* — AB® :J(cz\/g)z—az =av2.
2
2
Dién tich tam giac ABC la: S . :%.AB.AC :%.a.aﬁ _4 ;/_ .

Goi H la trung diém doan AB thi SH L AB. Vi (SAB) L (ABC) va (SAB)N(ABC)= 4B
nén SH L (ABC ) Suyra SH 1a chiéu cao ciia khdi chép S.4BC.

a3

Tam gidc SAH vuodng tai H nén SH = SA.sin SAH = a.sin 60° = -

2 3
2, Z. : . 1 1 a2 a\/§ a\/g
Thé tich khoi chop S.ABC la: V =—-.5,,.SH =—. . = :
€ uc 01 chop a 3SABCS 3 > 7 12
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Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang vuéngtai 4 va B, BC = % AD = a . Tam
gidc SAB déu va nam trong mit phang vudng goc voi day; goc gitta SC va mat phang (ABCD)
N \/E ’ A L7 A ,
bang & sao cho tana = = Tinh thé tich khoi chép S.ACD theo @
3 3 3 3

a a a*\2 a3
A Vs a0 = B. Vs yep == C.Vsacp == D. Vs yep ==

2 3 6 6

Loi giai

Chon D

Pit AB=x>0, goi M,N lan luot 13 trung diém 4B, AD.
Tam gidc SAB déu nam trong mit phang vudng goc véi day nén SM chinh 1a duong cao cua

x«/g x’

hinh chép S.ABCD va BM :g,SM === CM = a +

, . 15
Goc gitta SC va mat phang (ABCD) bang & sao cho tana = g suy ra

2
&:E:SMz =§CM2:éx2 _3 2+l |=x=a
CM 5 5 4 5 4

D& théy ABCN 1a hinh vudng nén CN =a = S ., = %AD.CN = o

] 1 a3

A 3
Vay Vs 4ep :gSM-SAACD :§~ 5 a’ =

a*\3

6

Cho hinh chép S.4BC c6 day la tam giac cantai A, AB=AC =a, BAC=120°. Tam gidc S4B
1a tam gic déu va nam trong mit phang vudng goc vi mat day. Tinh thé tich 7 cua khdi chop
S.ABC.

3 3
a a
A.V:—g . B.V=ad. C.V=—2 : D. vV =24".

Chon A
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S

Goi H 1a trung diém doan AB = SH 1 AB ( vi tam giac SAB la tam giac déu).
(S4B) L(A4BC)
(S4B)N(ABC)=A4B = SH L(ABC).
SH c (SAB);SH 1 4B

a3

Nhan thdy ASAB 1a tam giac déu canh a = SH = B

1 azx/g

NV =EAB.AC. sin120° = ;

7 , I 1 a3 &3 &
Vay thé tich khoi chép S.ABC 1z ¥y iy =5-SH.S e = 5.4. a 4f = %

Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat, mat bén SAD la tam giac déu canh 2a
va nam trong mit phang vudng goc v6i mit phang (4BCD) . Goc gitta mat phang (SBC) va mit
phang (4BCD) 1a 30°. Thé tich ctia khéi chép S.4BCD la:

2 3 3 43
A. aﬁ. B.‘“B. C. a\B' D. 24°\3.
3 3 3
Léi giai
Chon D

"
—

D C
+ Trong tam giac déu SAD goi [ 1a trung diém 4D = ST L AD = SI 1 (ABCD).
+ Goi M la trung diém BC = BC L IM (1).
Mit khac do ST L (4ABCD)=> BC L SI (2).

Tu (1), (2) suyra BC L SM .

Page 49



Cau 80:
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

+ Vay, goc giita mit phang (SBC) va mit phiang (4BCD) chinh 1a goc SMI =30° .

ST

=3q (vitam giac SAD la tam giac déu canh 2a
tan 30°

+ Xét tam giac vudng SIM c6 IM =

nén S/ = a\/g)_

Vay, thé tich ciia khéi chép S.ABCD1a y = % S SI= % AD.BC.SI =24’ /3 .

ABCD S

Cho hinh chép S.4BCD c6 déy 1a hinh vudng canh ., mit bén S4B nam trong mit phang vudng
goc voi (ABCD), SAB=30", S4=2a . Tinh thé tich ¥ ctia khdi chop S.4BCD.

3 3 3
A. V= \/ga . B. V=4 C. V:a_- D. V:a—.
6 9 3

Loi giai

Chon D

Goi H 1a hinh chiéu vudng goc ctia § 1én canh AB .
Do (S4B) L(ABCD) va (SAB)N(ABCD)= AB nén SH L (ABCD).

Xét tam gidc SAH vudng tai H ta co: sin SAB = i_Z — SH =sin30°.54 = a.

Mit khéc: Sy, = AD* =’

| 1 a’
Nén V. =S popd=—a.a=—:
S.ABCD 3 ABCD 3 3
Cho hinh chép S.4BC c¢6 AB=a,BC = ax/3, ABC = 60°. Hinh chiéu vuéng goc cia S 1én mit
phing (4BC) 1a mot diém thuge canh BC . Goc giita duong thing S4 va mat phang (A4BC) 1a
45° . Gia tri nho nhét cua thé tich khdi chop S.4BC bang

3 3 3 3
A.a\/g. B.a\/g. c.a‘/g. D.a\/g.
3 =g 12 6
Loi giai
S
Chon B

+Goi H 1a hinh chiéu cia S 1én mat phing (4BC), H € BC.
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+(m) = SAH = 45" = ASHA vudng cin = SH = HA.

Ve pe = %SABC SH = %.AH%AB.BC. sin ABC

2

:%.AH.a.a\/g.sin600 = AH.%.

+ V. <:>AH @AHJ_BC tai H .

AH ) ax/g \/_
2

+sindBH =22 = AH = a.sin60° =2 = p
AB 2

a3
min 4 8 ‘

DANG 6. THE TiCH KHOI CHOP PEU

Cau 82: Cho khdi chép tir giac déu S.ABCD c6 canh day bang ¢, goc gitra mit bén va mit day bang 60°
. Thé tich V' ctia khdi chop S.4BCD bang
3 3 3 3
2 2
@3 BV:“‘/— (:V:‘“/§ yo@N2

2 ) 2 = 6 6

AV =

Goi O 1a tam cua day, goi M 13 trung diém cia BC.

nén (SOM) L BC, suy ra [ (SCD),(ABCD)]=(SM,0M ) =SMO =60".

(So1BC
C
OM 1 BC

f

Cé OM = EBC_Z SO = OM tan 60° =2

: , 1 1 a3 3

Thé tich khdi chop S.ABCD 14 Vs iyen =550 ey =7 a;/_ a =2 :_

Céu 83: Cho hinh chop tir giac déu S.ABCD c6 canh day bang @, tim cua day la O.Goi M va N lan
lugt 1a trung diém ciia S4 va BC . Biét goc giira duong thing MN va mit phiang (ABCD) bang
60° . Tinh thé tich khéi chép S.4ABCD .

10 5 a*\30 c @30 o 10
6 2 6 T3

Loi giai
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I
I
1
I
I
I
1

pig
l
, 1
7 I

Goi H latrung diém A0 . Khi d6 goc gitta MN va (ABCD) 1a MNH .

10
Tac6 HN =~CN* +CH? —2CN.CH.cos45’ = “‘i_ .
Suy ra MH = HN .tan 60° = a\r A3 = */7
Do d6 SO =2MH = “Jz%.
Cau 84: Néu mot hinh chép tir giac déu cé canh day bang 2va co dién tich xung quanh bang 43 thi
c6 thé tich bang
442 4/3
A.i. B. 43, C.i. D. 42.
3 3
Loi giai
Chon A

Xét hinh chop déu S.4BCD nhu hinh v&

Ké OF L BC = E latrung diém BC va BC L (SOE)
Do d6 BC L SE

Xét ASOE vuong tai O, ta co

SE* = SO’ + OE®

= SE =+/SO* +1

Mait khac
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qu =4S e
1
<43 = 4—.SEBC

& 43 =250 +12
<:>SO:x/§(x>O)

] 42
3

1
Vis.aneo =550 scp = 3"5 22 =22 (@t

Cho hinh chép déu S.ABC ¢6 SA=a. Goi D, E lan luot 13 trung diém cia S4,SC. Tinh thé
tich khdi chop S.4BC theo ¢, biét BD vudng goc véi AE .

3 2 3 3 3
A.a\/_l. B.a\/g. c.aﬁ. D.a\/ﬁ.
= sy 12 27 27

Loi gidi
Chon A

B

Goi F 1atrung diém SE = BD 1 DF ; goi AB=x

245 +24C°-5C* 2a°+2x*-a’  a’+2x

Ta co BE* = BD* = AE* =

4 4 4
) a’+2x* 4
2BS® +2BE*—SE? 24+ 4 _9a’+4x
BF* = = T
4 4 16
2
BF? = BD? + DF* & BF* = SBf
2 2 2 2
9a” +4x =§_a +2x 9% +4x% = 5a% + 10> <:>4az=6x2:>x=a\/z
16 4 4 3

Goi H 1 hinh chiéu cua S 1én (4BC) khi d6 H 1a tim dudng tron ngoai tiép AABC

2
= SH =/SA> — AH? = |a® — 3,£ :a\ﬁ
3 2 3
2 2
; 3 3
Tam gidc ABC déucodcanhla x= S, - :%: a g/_
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) 1 1 axﬁ azx/g a3x/i
Vay VS.ABCZ§SH-SAABC:§- 3 6 = 54

Hodc sir dung cong thirc tinh thé tich chdp tam gidc ABC déu c¢é canh bén bang a, canh ddiy

bang x
2—a2 3a’ —2—612
% B x*A3a’ —x* 3 3 a*\21
5.ABC 12 12 54

Cho hinh chop déu S.ABCD c6 canh AB = a, gbc giita dudng thing S4 va mit phang (ABC )
bang 45°. Thé tich khéi chop S.ABCD 1a

3 3 3 3
AL 3.“‘/5. c. L. p. 42
3 6 6 3

Loi giai
Chon B

Vi S.ABCD 14 hinh chép déu nén ddy ABCD 1a hinh vudng va chan dudng cao H trang voi
tam cua hinh vuong ABCD .
Dién tich day ctia khdi chop S.ABCD 1a S ., = a’.

Nh4n thdy HA 1a hinh chiéu vudng goc cia SA4 trén (4BC). Vi thé (S4,(ABC)) = (54, HA)
— SAH . Suy ra SAH = 45°.

a2

Xét tam gidc ABC vuodngtai B, tacd: AC =+ AB* +BC* = a2 . Suyra HA= 5

Tam giac SHA vudng tai H va co SAH = 45° nén 1 tam giac vuong can tai H . Suyra SH
a2
S

= HA =

lzax/—

2
—.a . =
3 2

a*2

6

SH =

ABCD*

Thé tich khéi chép S.ABCD la: V = %.S
Cho hinh chép tir gide déu S.ABCD do dai canh day 1a a. Biét rang mit phang (P) qua 4 va

!

vudng goc véi SC, cit canh SB tai B’ véi Si = % Tinh thé tich cta khdi chép S.ABCD

3 3 3 3
A.a‘/g. B.a‘/g. C.“\/g. D.a‘/g.
=6 4 2 3

Léi gidi
Chon A
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\
N
..__-'.—:‘.—-__________
7 N\
N

o
___________ c
A° B
BD 1 AC
Ta co: = BD 1(SAC)= BD 1 SC
BD 1 SO
Ma (P) L SC=(P)//BD
Trong (SAC), goi {G}=A4C'nSO = GB'// BD = 56 _SB_2
SO SB 3
Suy ra G 1a trong tim ASAC = C’ 14 trung diém SC
Nén ASAC 1a tam gidc déu canh AC = a2 = SO = aﬁ.g = a%
1 1 ax/g a3x/g
= Vuscp = ESABCD SO = §a2~7 = 6

Ciu 88: Cho m6t hinh chop tir giac déu co canh day bang 2a va canh bén tao v6i mit phang ddy mot goc

45° . Thé tich cua khdi chép d6 1a

3 3 3
5.4‘“/5. B.“‘/E. c."‘/z. D. 24°+/2.
3 8 6
Loi giai
Chon A

Dung hinh chép tir gidc déuS.4ABCD théa man cac diéu kién dé bai voi {O} = ACNBD

Theo gid thiét ta cd 4B =2a, SA tao v6i mit phang (ABCD) mot géc 45° suy ra SAO = 45°
ABCD 14 hinh vudng canh 24 nén tinh duge 4C =2v2a = 04 =a2

Tam gidc SOA vudng can tai O vico SO L OA, SAO = 45° suy ra SO =04 = a2
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3
14612.61\/7 = 4a’\2

Vay thé tich khéi chop 1a ¥ = %SABCD SO = 3 3

Cho hinh chép ttr gidc déu S.ABCD c6 canh dy bing 2a~/3 , khoang cach giita hai duong thing
SA va CD bang 3a . Thé tich khéi chép da cho bing:

3
A. @3, B. 6a°3. C. 124°. D. 8"3\/5.
Loi gidi
Chon C
Goi O = ACNBD.
. [cD /1 4B
Ta co {AB < (548) = d(CD,SA4)=d (CD,(S4B))=d (D,(SAB))=2d (0,(S4B)).
OK L 4B
Ké{ :>0HL(SAB):OH:d(O,(SAB)):ia.
OH 1 SK 2
Xét A SOK ;— Ll ws0=3a

OH’ SO  OK>

Vay thé tich khdi chop S.ABCD:V = %SABCD SO =124,

Cho hinh chép tam gidc déu S.ABC, canh AB=a va canh bén hop v6i day mot goc 45°. Thé
tich V' ctia khdi chop 1a

3 3 3

3
A V=2 B.v=%. c.v=2L. p. =%,
=" 6 3 4
Loi giai
Chon A
S
4 ¢

B

Goi O 1a tam dudng tron ngoai tiép tam giac ABC .

Vi S.4BC la hinh chép tam gidc déu nén SO L (ABC).

Do S.ABC 14 hinh chép tam gidc déu nén cic canh bén déu tao v6i mit ddy cac goc bang nhau.
Goc gitra canh SC véi day 1a goc gitta hai dudng thing SC va OC hay chinh 13 goc SCO .
Theo bai ra ta c6 SCO = 45° = ASOC vudng can tai O.

2 a\/gza\/g

Tam gidc ABC déu canh @ nén CO = S0 = 3 :

2 3
a*\3
-

Dién tich day: S ;. =
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2 3
Thé tich cta khéi chop ¥ =+5,,..50 = -2 3a¥3_a
3 34 3 12

Cau 91: Cho khdi chop tir gidc déu c6 tat ca cac canh bang 2a. Thé tich cua khdi chop di cho bang:

3 3 3 3
A. 2V2a . B. 3 C. 82 . D. 42a .
3 3 3 3
Loi giai
Chon D
S
B ,'.- .'._...‘ (‘

Goi O latam cua hinh vuéng ABCD, ta c6 SO L (ABCD) .

. . 1 1
Xét tam gide SOA vudng tai O ¢6 54=2a, 4O =— AC = 5.2a\/§ =a\2.

Suy ra SO =+ SA4> — 40’ =\/(2a)2 —(a\/E)2 =a\2.
4613\/5.

3

R 1 1
Vay Vs ipen ZE-SO-SABCD =§-a\/§.(2a)2 =

DANG 7. THE TiCH KHOI CHOP KHAC

Cau 92: Cho hinh chop S.ABCD c6 ddy ABC latam gidc vudng can dinh 4, AB = a2, Goi / latrung
diém ciia BC, hinh chiéu vudng géc ciia dinh S 1én mit phang (A4BC) la diém H thoa man

IA=-2IH, gbc gitta SC va mat phang (ABC) bang 60°. Thé tich khdi chop S.4BC béng

3 3 3 3
A."ﬁ. B."ﬁ. g.“ﬁ. D.“‘/E.
2 6 6 12
Loi giai
Chon C

1 1
Suse = ABAC=—a 2.a\2 =d’.

Page 57



Cau 93:

Cau 94:
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BC=2a, IA=a, IH:%'

2 2
Tam gidc HIC vudng tai I tacd HC?> = HI* +IC? =aj+a2 =5%:>HC=§.
ton S =S < 511 = 1 1an ST =435 5 =415
HC 2 2

R 1 1 ax/g an/E
Vay VS.ABC =§‘SH‘SABC =§. 5 .a2 = 6 .
Cho hinh chép S.ABC c6 ABC latam giac déu canh 3a, SAB = SCB = 90°, goc giita (SAB)
va (SCB) bang 60°. Thé tich khdi chép S.4BC bang
3 3 3 3
AL B.\/Ea. C.‘/Ea. p. N2
8 3 24 8

A.

Loi giai
Chon D
Trong mit phang (ABC) 1dy D nam trén duong trung truc ciia AC sao cho SD L (ABC) va

BCD = BAD = 90° = SAB = SCB = 90"

2
GQiOzACmBD:BD:%% — 203 = D = a3

Dung AM 1 SB,do ASAB = ASCB = CM L SB = ((SAB),(SCB)) = (AM,CM)

+Néu AMC =60" = MC = '036(1)0 = 3a = BC vo0 li vi tam gidc MBC' vuodng tai M
sin
+Néu AMC =120" = Mc = 2¢ =\/§:>SC=3“‘/§:>SB=3‘“/8
sin60" 2 2
a6 1 1 9a°v/3 a6 9a°/3
SD: SB2—BD2 = 9 :VS.ABC :g'SABC'Sng' 1 . 9 = 3

Cho hinh chop tir gidc déu S.4BCD ¢ tat ca cac canh déu bang 1. Goi G 14 trong tAm tam giac
SBC . Thé tich tir dién SGCD bang

NS B Y2 e p. Y2

- 36 6 36 18
Loi giai

Chon A

Page 58



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi O 1a tam hinh vuéng ABCD, M la trung diém BC.

Vi S.4ABCD 14 hinh chép tir gidc déu nén SO L (ABCD)

Vsoen =£:g suyra V :gVSMCD(l)'
—VSMCD SM 3 SGCD 3
Mat khac:

Hinh chop S.ABCD va S.MCD c6 chung dudng cao SO va S _1 !

amep = SABCD = Z SABCD

R 1
nén Ve = Z Vs apcp (2)-

. . 1
Tu (1) va (2) suy ra: Ve, = EVS.ABCD

Mit khac SO =+/S4> — 40* = % Ve inep = %.SO.SABCD = %%1 = % :
A V2
Vay Vioen :z'

Cau 95: Cho hinh chop S-4BC ¢y AB=AC=4 BC=2 g4-4.3 SAC=SAB=30" Tinh thé tich
khdi chop S-4BC bang

A 4. B. 5. C. 5\2. D. 25.
Léi giai

Chon A

Ta co:

SC? = SA> + AC? —28SA.AC.cos SAC .

— SC? = 48+16—2.4\B.4.§.

—~ SC=4,

SB? = SA* + AB> —2SA.AB.cos SAB .

= SB=4.

Goi M, N lan luot 1a trung diém cua cac canh BC, SA.
Ta co:
ASBC cantai §, AABC cantai 4.

8§4 =43




Cau 96:

Cau 97:
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SM L BC
{ = BC L(S4M).

=

AM 1 BC
Ké SH L AM .
Ma BC L (SAM )= BC L SH .

Vay, SH L (4BC).

Ta co, SM =+ SC>—MC? =15 = AM .

Nén ASAM cantai M = MN 1 SA4.

Ta co:
MN =N AM? — AN* =3 ;
AM 5

1
Suue =AM BC = V15 . Do do: ¥, . = %.SH.SAABC = %
Cho hinh chép S.ABC c6 cac canh SA=BC=3; SB=AC=4; SC=A4B = 2+/5 . Tinh thé tich
khéi chop S.4BC .

A \/390. . Y390 c. \/390 D. \/390
4 6 12 8
Loi giai
Chon A

Ap dung cong thirc thé tich khéi tir dién gan déu:

N

390
Vs isc a +b2—c (az—b2+cz)(—a2+b2+cz):T.

Cho khéi chop S.4ABCD c6 ddy ABCD 1a hinh vudng canh 2a, SA=SB = a2 . Khoang cach
tir A dén mat phang (SCD)bang a . Thé tich khéi chop da cho bang

3 3 3 3
A. J6a . B. a . C. 2\6‘1 . D. 23a .
3 6 3 3
Loi gidi
Chon D

Goi I va J lan luot 1a trung diém ctia AB va CD theo dé bai ta c6: SA = SB = a~/2 nén hinh
chiéu H cia S 1én ddy nam trén dudng thang 1J . D& thdy CD L (SLJ).

Suy ra d(A4,(SCD))=d(1,(SCD))=d(I,5])=
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Tam gidc SAB vudng can tai Snén S/ =g suyra SI = d(I,SJ) =a=S8I 1 (SCD).

SIS _aq/(2a) —a® _ay3

2a 2

Trong tam gidc vudng S1J ta c0: SH.IJ = SI.SJ = SH =

9 , .
Thé tich khéi chép S.ABCD 1a: ¥ :% S, AH :é- 4a2_a\2/§ _ 2\/3§a |

Cau 98: Cho khéi chép S.4BCD cb diy ABCD 1a hinh thoi tim O, AB = a, BAD = 60°,SO 1 (ABCD)
va mit phang (SCD) tao vi mit phang ddy mot goc bang 60°. Thé tich khéi chop di cho bang

3 3 3 3
A. V3a . B. V3a . C. 3a . D. V3a .
=g 24 48 12
Loi giai
Chon A

Tir gia thiét hinh thoi 4BCD c6 AB = a, BAD = 60° nén BD = a, AC = a+/3 .
Dung OK 1 CD,(K € CD).
Tacé SO L (ABCD)=>SO L CD va OK L CD nén CD 1 (SOK)=-CD L SK .

Do d6 goc giita 2 mit phing (SCD) va (ABCD)1a goc SKO = 60°.

Trong tam giac vudng OCD,(@:%O) co 12: 12+ 12: ! ~+ 12:162
OK*~ 0C*  OD* (.3 [a] 3a
2 2
$OK=¥.

a3

Trong tam gidc vudng SOK,(SOK =90°) c6 SO = OK.tan SKO = =, tan60° = %.

2
Dién tich hinh thoi ABCD 1a: S ;. = ACéBD =2 23'“ = */52“ .

_1:3¢" 3a_ 3

3 2 4 8

R 1
Vay Vs upep = E‘SABCD'SO

Céiu 99: Cho hinh chop S.ABC c¢6 day ABC la tam giac déu canh a, khoang cach tir diém A dén mit

a\15
5

. Biét hinh chiéu caa S 1én mat

, 1
phang (SBC) la @, khoang cach gitta S4 va BC la

phiang (4BC) nam trong tam gidc ABC, tinh thé tich khbi chop S.ABC.
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3 3 3 3
AL B 43 c. L. Q.‘“/g.
4 8 8 4

Loi giai
Chon D

Duyng hinh binh hanh ABCD. Goi O 14 hinh chiéu Vuf);lg goc cua S 1én mit phing (ABCD) .
Dung duong thang d di qua O, vudng goc v6i BC va ciat BC, AD lan luot tai H, M .

Khi d6 4D, BC 1 (SHM).

Trong ASHM , dung HK | SM (K € SM) va MN L SH (N € SH).

Tacé MN L SH va MN L BC nén MN L (SBC).

Vivay MN =d(M,(SBC))=d(A4,(SBC)) =

av15
s

a15
o

Do BC//(SAD) nén d(BC,SA) = d(BC,(SAD))= d(H,(SAD)) = HK . Suy ra HK =

Do ASHM c¢6 hai dudng cao MN = HK nén cantai S. Suyra O 1a trung diém cia MH .

a3 (do AABC déu, canh bang a). Suy ra

Taco MH =d(AD,BC)=d(4,BC)= T

_al3

4

MO

Xét hai tam giac dong dang MKH va MOS , ta c6

a\/§ av15
KH MK MO.KH 4 s a3
50 Mo 0T Mk [ Ay ST
2 5

q , 1 a3 B3 &
Vay thé tich khéi chép S.4BC la Vz%SOxSAABC :§x§x a j_ :%.

Céu 100: Hinh chép S.4BCD cb ddy ABCD 14 hinh thoi tim O, AB=a, BAD =60°,50 1 (ABCD) va
mit phing (SCD) tao véi mit ddy mot goc 60°. Tinh thé tich ¥ cta khéi chép S.ABCD .
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NEYS NEYS NEYS NEYS

AV = . B. V= . C.V= . D. V= .

24 48 12 = 8
Loi giai

Chon D

Do ABCD 1la hinh thoitam O, AB=a, Eﬁ) =60°, nén tam gidc BCD déu canh «

a’\3

Taco S, = AB.AD.sin BAD = )

a\/g 1 a\/g
2

Goi E la trung diém CD va I 1a trung diém ED. BE = , 01=§BE=T. BE L CD

nén Ol L CD.

Nén géc gita mdt phing (SCD) va mit day la goc SIO, suy ra SIO=60°.

SO:OI.tan60°:%.

1 1d°\3 3a a3

Vay thé tich ¥ ciia khdi chép S.ABCD 1a V :ESABCD.SO: 15 1 R

Cau 101: Cho hinh chép S.ABCD ¢6 day ABCD 1 hinh thoi canh x, BAD = 60°, goi | 13 giao diém AC
va BD . Hinh chiéu vudng goc cua S 1én mit phang (4BCD) 1a H sao cho H 1a trung diém cta
BI . Géc gitta SC va (ABCD) bang 45°. Tinh thé tich ¥ cua khéi chop S.ABCD |

3 3 3 3
A.V:‘@x. B.V:‘@x. Q.V:@x. D.V:@x.
12 36 24 48
Li giai
Chon C
[N T
/N T
/ ! ‘.\ \\ \\\\
[\
[l i :é?&
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Tam gidc ABD déucanh x = BD=x= IH :2

Ap dung dinh li cosin cho tam gidc 4BC: AC = \/x2 +x% = 2xx.c08120° = x4f3 = IC = x\2/§

2 2
Xét tam gidc [HC vudng tai [: HC = IH? +IC? = f—6+% - X‘F

Do tam gic SHC vudng tai H , c6 SCH = (SC,(ABCD)) = 45° nén tam giac SHC vudng can

tai A .Suyra: HC =SH = al 413
: , 11 1 1 ’
Vay thé tich khoi chop S.ABCD : V pcp :E.E_AC,BD,SH :g,x\/}x. X\i—?’ _X 2\{:’—9

Cau 102: Cho hinh chép S.4BC ¢6 AB= AC =4, BC=2,S4=4/3, SAB = SAC = 30°. Tinh thé tich
khéi chop S.ABC.

A. VS.ABC =8. B. VS.ABC =6. C. VSAABC =4. D. VSAABC =12.
Loi giai

Chon C

Goi M 1a trung diém cua canh BC. Vi A4ABC cantai 4 (do AB= AC=4)nén AM 1 BC.
AM =JAC* —MC* =\15; S, 0 = %AM.BC =.15.

ASAB = ASAC(c—g—c) nén SB=SC.Goi H 14 hinh chiéu vudng géc clia diém S trén
mit phiang (ABC) suyra H € AM .

Ap dung dinh 1i cosin cho ASAB, ta c6: SB*> = SA*> + AB* —2SA.AB.cos30°=16= SB=4.
ASMB vudng tai M nén SM =~/SB> —MB* =4/15.

‘ —  SM*+AM* -S4
Ap dung dinh 1i cosin cho ASAM , ta c6 cos SMA = SM™ + 5 = 3

2.8M .AM 5
isin@zvl—coszﬁ :§.

:SHzSM.sin@:Jr.%zﬂ.

5
3 1 I = 415
Vay Vs pc :ESAABC'SHzg- 15.724.
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Cach 2:

Ap dung dinh li cosin cho A4BC , ta c6

AB* + AC* —BC* 7
cos A= =—

2AB.AC 8

, . , b
Str dung cong thuc V' = a_6c\/l —cos” a —cos” f—cos” ¥+ 2cosacos S cosy

 AB.AC.SA

2
=V c \/l—cosz 30°—cos’ 30°—[%] +200530°.cos30°% =4,

Cau 103: Cho hinh chop S4BC oo S4—a, AB=av3, AC=a2 Goc SAB=60" BAC=90",
CAS=120" Thg tich khéi chop S-4BC bing

3 3 3 3
A OV g.“ﬁ. c. Ve p. L.
3 6 3 3
Loi giai
Chon B
4 A
P
5 c S P
B M

Léy trén canh AB; AC 1an luot cac diém M ;P sao cho AS =AM = AP=a.
Taco: SM =a;MP = a\/E;SP: a3 = ASMP vuong tai M .

Do AS = AM = AP = a = Hinh chiéu ctia 4 trén day (SMP) 1a tim dudng tron ngoai tiép
tam giac SMP ,1a H .

2
Ta co: SASMP = %.SM.MP = %.a.a\/z = a f

AH = SAZ_[S_P]2 - “2_[Q]2 = 1 a2
2

Page 65



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

.V AB AC a2 B
Ta lai co: V:j;z = M AP = \/g = Vs asc =Vispc = \/E'VAASMP = \/g D = 6

Cau 104: Cho hinh chop S.ABC c6 AB =7Tcm, BC =8cm, AC =9cm. Cac mat bén tao vdi day goc 30°.
Tinh thé tich khéi chop S.4BC. Biét hinh chiéu vuong goc cia S trén (4BC) thudc mién trong
cua tam giac ABC.

A. #(Cﬁ). B. 20\/§(cm3). C. #(cnf). D. 72\/§(cm3).
Loi giai
Chon A

AB+BC+ AC _

Tacod p= 5

12(cm).

Dién tich tam giac ABC 1a S =\/p(p—A4B)(p—AC)(p-BC) =124/5(cm”)
Goi H 1a hinh chiéu vudng goc ciia S trén (ABC )

Goi K, N, M 1ahinh chiéu vuong goc cua H trén AB, BC, CA.
Theo bai ra ta c6 SKH = SNH = SMH =30°.

Ta cd ASKH = ASNH = ASMH vi

SHK = SHN = SHM =90°,

SH chung,

SKH = SNH = SMH =30°

Suyra KH = NH = MH .

Vay H 1a tim dudng tron noi tiép tam giac ABC.
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Khi &6 KH = NH = MH = 25¢ =[5 (cm).
p

SH = HK tan30° =§(cm).

Thé tich khéi chép S.4BC 1a V = %SH.SAABC = % 125 g ~ #(cnf) .
Cho hinh chop S.ABC c6 cac mat bén (SAB),(SAC ),(SBC )tao v6i day cac goc bang nhau
va déu bang 60° Biét AB =13a,AC =14a,BC =15a, tinh thé tich V" cta khdi chop S.4ABC
AV =28M3d. B. V=1123>. C. V=843 D. 84a°.

Loi giai

Chon B

Goi H 1a hinh chiéu ctia S trén mit phang (ABC ) :
Goi M,N,K lan luot 1a hinh chiéu cia H trén cac canh BC, AC, AB Xhi dd,ta c¢6 cac tam
gidc ASHK ,ASHM ,ASHN bang nhau= HM = HN = HK = r ,v6i r 1a ban kinh dudng tron
noi tiép tam giac ABC.

AB+BC+CA 13+14+15

Ta c6 nira chu vi cua tam giac ABC 1a p = > 5 21.
Taco:S,,c =+ p(p—AB)(p—BC)(p—AC) =21.(21-13)(21-14)(21-15) = 84.
Mé.SABczpr©r=M=ﬁ24=HM

p 21

Ta lai ¢6: ((SBC),(ABC)) = SMH = 60° = SH = r.tan 60° = 4/3

=V, s = %.84.4\/5 —112/3.

Cho hinh chép S.ABC c6 SA=SB=SC=6, AC=4; ABC latam gidc vudng can tai B. Tinh
thé tich ¥ cuia khdi chop S.4BC.
A V=167 B.Vz@ C.V=16v2 Q.Vz#

Loi giai
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Chon D

* Goi H 1a hinh chiéu ciia S trén mit phang (4BC).

Do S4 =SB =SC nén ASHA=ASHB = ASHC (canh huyén-canh goc vudng)
— HA=HB=HC = H latam dudng tron ngoai tiép tam giac ABC .

Tam giac ABC vudng can tai B nén H 1a trung diém AC .

Suy ra HA:HC:%AC:2 — SH =~/SA> —HA> =42

AC\/§:2\/5

2

e Tacd: BA=BC =

(243)(247) 42 =12

R 1
Vay Vs ise :§~SABc-SH = 3

11
32
Cau 107: Cho hinh chop S-4BC bibt ring SA=SB=SC=a, ASB = 120° BSC = 60° va ASC = 90°

Thé tich khdi chop S-4BC 1a

a*\2 a2 a*\f3 a*\f3

A. . B. C.

= 12 6 4 8
Loi giai

Tacé SB=SC=a, BSC =60° suy ra tam gisc BSC déu = BC =a.

Laicd SA=SC=a, ASC =90° suy ra tam giac ASC vuongcantai § = AC = a2 .
Mat khac, SA=SB=a, 2579 =120°, ap dung dinh li cosin cho tam gidc ASB, ta dugc:
AB® = SA* + SB* —254.SB.cos ASB =3a* <> AB=a/3 .

Xét tam giac ABC c¢6 BC* + AC* =a’ +2a° =3a” = AB® suy ra tam gidc ABC vudngtai C.
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1 aZ\/E
5

Vay dién tich tam giac ABC la: S, ;. = EAC.BC =

Goi O l1a trung diém ciia canh AB suy ra O la tim dudng tron ngoai tiép tam gidc ABC .

Ma S4=SB=SC = SO L(A4BC).

Xét tam giac vuong ASO vuodngtai O c6 SO =+S4> - A0* = f \/_a

l2aa32
372 20 12

1
Vay thé tich khéi chop S.ABC 1a: V, .. = 3 =S 550 =

Cho hinh chép S.4BC ¢6 ddy ABC 1a tam gidc déu canh 1, biét khoang cach tir 4 dén (SBC)

Ji5

1a @, tr B dén (SCA) la oW e dén (SA4B) 1a 2£00 va hinh chiéu vudng goc cua §

xudng day nam trong tam giac ABC . Tinh thé tich khéi chop V .

L B L c. L p. L
36 48 12 24
Loi giai
Chon B

bat SH=h=V, ;- =

6VSABC h\/_ ‘/— h\/ﬁ

28
Tacé AP=""3£ 2§ =
e AB g (Cy(s4B)) 2 20

Tuong tu, tinh dwgc HM =2h, HN =h
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— PH =+/SP> - SH* =3k

3 3

Taco S50 =S,s +Suc +Susc :%(HP+HM+HN) <:>3h=§<:>h:%
Vay V. _ﬁﬁ_i
W sase T2 T g
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN
@ HE THONG BAI TAP TRAC NGHIEM.

THE TiCH KHOI LANG TRU

DANG 1. THE TiCH KHOI LANG TRU PUNG
Thé tich khéi Ling tru |V

lang tru

=S4, chieu cao

. Thé tich khéi lap phuong |V = a*| « Thé tich khéi hop chit nhat

Hinh lang tru diwng va hinh lang tru déu:

. Hinh ling tru ding 13 hinh ling tru ¢ cac canh bén vudng goc v6i mit phang day. Do d6 cac
mit bén cta hinh lang tru dmg 13 cac hinh chit nhat va ndm trong mit phang vudng goc voi mit
phang day.

. Hinh ling tru déu I3 hinh ling try dimg c6 day 1a da giac déu.

Caul: Cho khéilang tru c6 dién tich day bang a3, khoang cach giita hai day ctia ling try bang a6
. Tinh thé tich ¥ ctia khéi lang tru
3 3
_a V2 D. V= 3a°\2

3 4

AV =342 B.V=a\2 C.V

Cau2: Cho khéi ling tru dimg ABC.A'B'C'c6 B'C =3a, ddy ABC1a tam gidc vudng can tai B va
AC = a~J2 . Tinh thé tich V" ctia khéi lang tru dimg ABC.A'B'C’ .
3 3
AV =2d". B. V =+/24°. C.V:\/Ea . D.y="_
3 62
Cau 3: Cho hinh ling tru dimg ABC.A'B'C’' c¢6 ddy ABC 1a tam gidc vudng tai A, biét AB=a,
AC =2a va A'B=3a. Tinh thé tich cua khdi ling tru ABC.A'B'C’.

3 3
A. 2\/35‘1 . B. */ia . c. J54d°. D. 224’ .
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Cau 4:

Ciu 6:

Cau 7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:
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Cho hinh ling tru dimg ABCD.A'B'C'D’ ¢6 déy ABCD 1a hinh chit nhat, AB=a, AD = a2
, AB’ = a~/5 (tham khéo hinh v&). Tinh theo a thé tich ¥ cta khéi lang try da cho.

DF Cf
A’ I B’
i
A
2a°/2
AV =d\2. B. V =24°2. C.V=d\10. D. V= “3\/_.
Ling tru tam giac déu c6 do dai tat ca cac canh bang 3. Thé tich khdi lang tru di cho bang:
INELAC) B 28 .28 p. 218
4 2 4 2

Cho hinh ling tru dung ABC.A'B'C’ c6 diy la tam gidc vudng can tai B, AB=a va
A'B = aJ3 . Thé tich khéi lang tru ABC.A'B'C’ 1a
3 3 3
a3 B. = c. < D.
2 6 2

a*\2

2

A.

Cho hinh ling try ding ABC.A'B'C" c6 day la tam gidc déu canh a, A'B tao voi mit phing day
mot goc 60° . Thé tich khéi lang try ABC.A'B'C" bang
3 3 3 3
AL B. L. c. % p. %
2 4 4 8
Cho hinh lang tru ding ABCD.A'B'C'D', day la hinh thang vuong tai 4 va D, co

AB=2CD, AD = CD = a~J2, AA'=2a . Thé tich khdi lang tru da cho bing

A. 124°. B. 64°. C.2a°. D. 4a°.
Tinh thé tich khéi lang try dimg ABC.A'B'C' biét AA' =2a; AB =3a; AC =4a va AB 1L AC.
A. 124°. B. 44°. C. 24a°. D. 84°.

Cho hinh lang tru dimg ABCD.A'B'C'D’ ¢6 day 1a hinh thoi, biét A4’ =4a, AC=2a,BD=a.
Thé tich V' ctia khéi lang tru 1a

A.V=8a. B. V=2d. C.V:§a3. D.V=4a’.

Cho hinh hdp dirmg c¢6 mot mit 13 hinh vudng canh @ va mot mit c6 dién tich 1a 3a”. Thé tich
khéi hop 1a

A.a’. B. 3a°. C.2a°. D. 4a°.

Cho khéi hop chit nhat ABCD. A'B'C'D’,biét AB =a;BC =2a; AC' = a~/21 . Tinhthétich V' cta
khdi hop do?
A. 4a°. B. 164°. C. §a3. D. 8a°.

Hinh lap phuong c6 do dai dudng chéo bang 6 thi co thé tich la
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:
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A. 242, B. 5442 . C. 243 D. 8.
Cho khéi hop chir nhat 4BCD.A'B'C'D’ ¢ AA'=a, AB =3a, AC = 5a . Thé tich ciia khéi hop
da cho la
A. 5a°. B. 4a°. C.12a°. D. 154°.
Cho hinh hdp dung c6 canh bén d¢ dai 3a, day la hinh thoi canh a va cé mét goc 60°. Khi do6
thé tich khdi hop 1a
3 3 3 3
NECRES B V3 c. aP3 p, 303
4 3 2 2
Cho hinh ladng tru dung ABC.A'B'C' ¢c6 BB'=a, ddy ABC la tam gidc vudng can tai
B, AC = a~/2 . Tinh thé tich lang tru
B] C’
A'
B e-a--_]
=

3 3 3
AL B. Z. C.a. D. L.

3 6 2
Cho hinh lang tru ding ABCD.A'B'C'D’, c6 ABCD 1ahinh vudng canh 2a, canh AC' = 2a\3
.Thé tich khéi lang try ABC.4’B'C’ bang
A. 4a’. B. 34°. C. 24°. D. a’.
Cho lang tru ding ABC.A'B'C"' ¢6 day ABC'la tam giac vudng can tai A v6i BC=a va

mit bén AA'B'B 1a hinh vudng. Thé tich khéi lang truy ABC.A'B'C'bang
V2 V2 L s

A —a’. B.—a’. C.—a D. ia3.
g 4 4 12

Cho khdi da dién (kich thudc nhu hinh vé bén) duogc tao bdi ba hinh chit nhat va hai tam giac
bang nhau.

6em

8em

Tinh thé tich khéi da dién da cho.
A. 48cm’. B. 192¢m’. C. 32cm’. D. 96¢m’ .

Cho khbi lang try tam giac déu co tit ca cac canh bang a . Thé tich khéi lang try d6 bang
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Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:
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a*\J6 a*\2 a*\3 a*\3

A 4 B. 4 c. 4 p. 12

Cho hinh lang try tam gidc du ABC.A'B'C’ ¢6 AB =2a, AA' = a~/3 . Tinh thé tich khéi lang tru
ABC.A'B'C'.
3 3
A. 3d’. B. L. c. 3% D. &*.
4 4

Cho hinh lang try tam giac déu ABC. A’B’C’ ¢6 AB =2a, AA'= a~/3 . Tinh thé tich khéi lang tru
ABC. A’'B’C".
3 3 3
A. 3a’. B. . c. = D.a—.
4 4
Cho hinh lang tru dung ABC.A'B'C"' ¢6 day ABC la tam giac vudng can tai 4, BC = a2,
A'B tao voi ddy mot goc bang 60°. Thé tich ctia khéi lang tru bang

3 3 3 3
L B, B3 c. 3% p. L.
2 4 2 2
Cho khdi ling tru dung tam giac ABC.A'B'C' c6 day la mot tam giac vudng tai A . Cho
AC=AB=2a, goc giita AC' va mjt phing (ABC) bang 30°. Tinh thé tich khéi lang try
ABC.A'B'C'.
20’3 V3 5a°\3 4a’/3
NEi'ch g, £33 ¢ 32V p, 4843
3 3 3 3
Cho lang tru ding tam giac ABC.A'B'C' ¢6 day ABC la tam giac vudng can tai B vai

BA=BC =a, biét A'B tao v6i mit phang (ABC) mot géc 60°. Thé tich khdi lang tru da cho

bang
3 3
3 3
A. 24, g, £V .28 D. <.
6 2 2
Cho hinh lang tru dtng ABC.A'B'C' c¢6 day ABC la tam giac vuong tai A, ACB =30° biét
, . . 1
goc gitra B'C va mat phang (ACC'A') bang & thoa man SN :ﬁ' Cho khoang cach
giita hai duong thang A'B va CC' bang a3 . Tinh thé tich V7 ciia khéi lang tru ABC.A'B'C"
30’6
A V=a'6. B. V= "2\/_. C.V=da"\3. D. V=243,
Cho hinh ling try tam giac déu ABC.4'B'C' ¢d AB=a, goc giita dudng thing 4'C va mit

phing (ABC) bang 45°. Thé tich khéi lang tru ABC.4'B'C" bing

3 3 3 3
A.a\ﬁ. B.aﬁ. c.a\g. D.a\/g.
1 2 12 6

Cho hinh ling try tam giac déu ABC.A'B'C' ¢ AB=4a, goc giita duong thang A'C va mat
phing (ABC) bang 45°. Thé tich khéi lang tru ABC.A'B'C’ bang
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:
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3 3 3
af. B.af. C. 16a°3 . D.af.

Cho ling truy déu ABC.A'B'C’'. Biét rang goc giita (A'BC) va (ABC) la 30°, tam
gidc A’BC c6 dién tich bang 8. Tinh thé tich khdi lang tru ABC.A'B'C’.

A. 8x/§. B. 8. C. 3@. D. 8\/5.

a3

Cho lang try tam giac déu ABC.A'B'C' c6 dién tich day bang

. Mit phang (A'BC) hop

v6i mit phang day mot goc 60° . Tinh thé tich khdi lang tru 4BC.A'B'C".
3a3\/§ 613\/§ 5a3\/§ 3a3x/§

B. C. D.
8 8 12 8

Cho lang try tam giac déu ABC.A'B'C’ ¢6 canh day bang ¢ va AB' vuong géc véi BC'. Tinh
thé tich ¥ cua khéi lang tru da cho.
3 3 3
6 6 Ta
N A By -6 c.V=d\6. D. V="
4 8 8
Cho hinh ling tru dtmg ABC.A'B'C' ¢6 day ABC 1a tam giac déu canh bang , va (A'BC) hop
v6i mat ddy ABC mot goc 30°. Tinh thé tich ¥ ctia khdi lang try ABC.A'B'C".
3 3 3 3
a*\3 a*\3 a3 3a

AV = : B. V= : C.V= . D.V=—r.
8 12 24 8

Cho lang try ding ABC.A'B'C’ ¢6 ddy ABC la tam giac vudngtai A va AB=a, AC = a3
, mit phang (A'BC ) tao v6i day mot goc 30°. Thé tich cua khéi ling tru ABC.A'B'C’ bang

3 g, OV o L p, Y32

12 3 4 4
Cho hinh lang try ding, c6 ddy ABC la tam giac vudng can tai A, AB = a2, goc gilta mp
(4B'C'") va mp(ABC)bing 60°. Thé tich khéi lang tru bing

A. 34> B. 334’ C. a'. D. \3d'.
Cho hinh lang try déu ABC.4’B'C’ . Biét khoang cach tir diém C dén mit phang (ABC ') bang

A.

A.

q , 1 q ,
a, g gitta hai mat phing (4BC') va (BCC'B') bing o véi cosa = NS Tinh thé tich khdi

lang tru ABC.A’B'C’.
3 3 3 3
2 2 2 2
a2 By =32 cy—aN2 p.y =342
4 2 2 8
Cho khéi lang tru tam giac déu ABC.A'B'C’ ¢c6 A'B = a\/g , duong thang 4'B vudng goc véi
duong thang B'C . Tinh thé tich khi lang try da cho theo .

A V=

3 3 3
6 3a 9a
N B. a’\6. c. = D. —.
3 4 4
Cho khdi lang tru déu ABC.A'B'C" ¢ canh day bang a . Khoang cach tir diém A' dén mit phing
(AB 'C') béng 2a+/3 . Thé tich ctia khéi lang tru da cho 1a
V19
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Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

3 3 3 3
@3 B.a\/5 C.aﬁ . 2%
4 6 2 2

Cho lang try dimg ABC.A'B'C' day la tam giac vuong can tai B, AC = a2 , bibt goc gilra
(A'BC) va day bing 60° . Tinh thé tich ¥ cua khéi lang tru.
a3 a3 a3 a*\6

B. V= : C.V= D. V= :
2 3 6 6

AV =

Cho hinh ling try tam giac déu ABC.A'B'C’ ¢6 goc giita hai mat phang (A'BC ) va (ABC )
béng 60°, canh AB=a. Tinh thé tich V' caa khdi lang truy ABC.A'B'C".
V3, 3\3

A.V=Ta B.V:%cf. C.V=73a3. D.V:\/§a3.

Cho khdi lang try tam giac déu ABC.A'B'C’ ¢c6 canh day 1a , va khoang cach tr A dén mat
phang (A'B C ) bang % . Thé tich ctia khdi lang tru bang:

3 3 3 3
A.3\/§a. B.\/Ea. C.3a\/§. D.3a\/§.
12 16 16 48

Cho khdi liang try dimg ABC.A'B'C' ¢ ddy ABC la tam giic cin vOi AB= AC =a,

BAC =120°, mit phang (4’BC") tao v&i ddy mot goc 60°. Tinh thé tich cua khdi lang try da

cho
3 3 3 3
N B V=24 C. Va . D. V=3\/§a .
8 8 8 8

Cho hinh ling try d&u ABC.A'B'C’ ¢6 canh day bing .. Puong thang 4B’ tao véi mit phing
(BCC'B') mot goc 30°. Thé tich khdi lang try ABC.A'B'C’ theo ..
3’ @ V6 *J6
AT B.—. c. o6 p, 46
4 4 12 4

Cho hinh lang tru dmg ABC.A'B'C’, biét ddy ABC 1a tam giac déu canh .. Khoang cach tir
tam O cua tam giac ABC dén mit phang (A'BC ) bang %. Tinh thé tich khdi ling tru

ABC.A'B'C".
3 3 3 3
A.3a\/§. B.3a\/§. C.3a\/§' D‘3a\/§.
8 28 4 16
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Cau 44: Cho mot lang try tam giac déu ABC.A'B'C’ ¢6 canh ddy bang ¢, goc gitta A'C va mit phang

day bang 60°. Tinh dién tich xung quanh S_, ctia hinh nén c6 ddy la dudng tron ndi tiép tam

P
giac ABC va dinh la trong tam ctia tam giac A'B'C’.

A B

2 2 2 2
A. S, :7Ia—333' B. S, :7Ia—333' C.S. _ma~N “111_ D. S. :72'61—111'
1 36 1 6 ! 6 1 36

DANG 2. THE TiCH KHOI LANG TRU XIEN

Céiu 45: Cho hinh ling tru ABC.A'B'C’ ¢6 tat ca cac canh bang ,, cic canh bén tao véi ddy goc 60°.
Tinh thé tich khéi ling tru ABC.A'B'C'bang

a3 B ﬁ a3 a

. C. D. —
24 8 8 8

Cau 46: Cho lang tru ABC.A'B'C’ ¢c6 ddy ABC la tam giac déu canh bang ¢, biét A/'4=AB=AC=a
. Tinh thé tich khéi ling try ABC.A'B'C"?
A 32 B. a3‘/5. C. ‘Ng. D. <
4 4 4 4

Cau 47: Cho hinh ling truy ABC.A'B'C’'c6 ddy ABC 1a tam gidc vudng can tai 4, AC = 2\/5, biét goc
gitta AC" va (ABC) bang 60° va AC'=4. Tinh thé tich ¥ cua khi ling try ABC.A'B'C".

A.

A.Vzg B.V=§ C.V=¥ D. 8\/§

Céu 48: Cho lang tru tam giac ABC.A'B'C' ¢ day 1a tam giac déu canh ., goc giita canh bén va mit day
bang 30°. Hinh chiéu cia A' 1én (4BC) la trung diém I ciia BC . Tinh thé tich khdi lang tru
a3 N3 @3 @3

B. C. D.
2 12 8 6

A.

Cau 49: Mot khoi lang tru tam giac c6 day la tam giac déu canh bﬁng 3, canh bén br:ing 2x/§ tao voi mat
phang day mot goc 30°. Khi d6 thé tich khi lang try 1a:
NE B. 27 . 2 p. 23
4 4 4 4
Cau 50: Cho hinh hop ABCD.A'B'C'D" ¢4 cac canh bﬁng 2a Biét BAD = 600, A'AB=A'AD=120"
Tinh thé tich ¥ ctia khéi hop ABCD.A'B'C'D"
A. 4\24°. B. 24/24°. C. 84°. D. \24°.
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Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:
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Cho hinh ling try ABC.A'B'C’ ¢6 day la tam giac déu canh
bang 2. Hinh chiéu vudng goc clia 4" 1én mit phang (4BC)
trung véi trung diém H cua canh BC. Goc tao bdi canh bén
A'A4 véi day bang 45° (hinh v& bén). Tinh thé tich ¥ cta khéi
ling tru ABC.A'B'C’.

A.Vzﬁ. B.V=1.
24
C.Vzg. D.V=3.

Cho lang tru tam gidc ABC.A'B'C’ c¢6 day ABC la tam giac déu canh «, hinh chiéu cua A’
xubng (ABC) 1a tam O dudng tron ngoai tiép tam gidc ABC. Biét AA' hop véi day (ABC)

mot goc 60°, thé tich khéi lang tru 1a

3 3 3 3
‘“/g. B.3a\/§. C.a\/g. D.‘“/g.
4 4 12 36

A.

Cho lang tru tam giac ABC.A'B'C’ ¢6 day la tam giac déu canh a. Do dai canh bén bang 4a.
Mat phiang (BCC'B’) vudng géc voi day va B'BC =30°. Thé tich khéi chop ACC'B' la:
a3 a3 a*\3 3

B. . C. . D.
2 12 18 6

A.

Cho lang tru tam giac ABC.A'B'C’ ¢6 ddy ABC 1a tam giac vudng cantai A, canh AC = 2\/5
. Biét AC' tao voi mit phang (ABC) mot goc 60° va AC'=4. Tinh thé tich ¥ cta khdi da
dién ABCB'C'.

8V3 163
A. V:§ B- I/:E C. V:i D. V:—\/_

3 3 3 3

Cho lang try tam gidc ABC.A'B'C'co do dai canh bén bang 8a va khoang cach tir diém 4 dén
cac duong thang BB',CC’ 1an luot bing 2a va 4a. Biét goc giita hai mit phing (4BB'A") va
(ACC'4") bang 60°. Tinh thé tich khéi lang tru ABC.4A'B'C".

A. ?\/gcf. B. 834’ C. 2434°. D. 1634’

Cho hinh ling tru ABC.A'B'C’ ¢b ddy ABC la tam giac déu canh a, hinh chiéu vudng goc cua
A' trén (ABC) la trung diém canh AB, gbc giira duong thing 4'C va mit phang ddy bang 60°
. Thé tich khéi lang tru ABC.4'B'C’ bang
V24 NEYS 3J3d° 334°

4

A. . B. . C. D.
4 4 8

Cho lang tru ABC.4,B,C, ¢6 dién tich mit bén (ABB,4,) bang 4, khoang cach giita canh CC,
dén mit phang (ABB 4,) bang 6. Tinh thé tich khéi lang tru ABC.4,B,C,.
A. 12, B. 18. C. 24. D. 9.

Cho khbi lang try ABC.A'B'C’,tam giac A'BC c6 dién tich bang 1 va khoang cach tir 4 dén mit
phang (A'BC) béng 2. Thé tich khoi ling tru d cho bang
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Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

Cau 65:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
A. 6. B. 3. C.2. D. 1.

Mot khéi lang try tam gidc c6 day la tam giac déu canh 3, canh bén béng 2\/5 va tao vo1 mat
phang day mot goc 60°. Khi d6 thé tich khdi lang tru 1a?

gLl B 23 ¢ 7 D.2.
4 4 4 4
Cho lang tru ABC.A'B'C' ¢6 day ABC 1a tam giac vudng tai B, duong cao BH . Biét
A'H L (ABC) va AB=1,4C =2,44'=~2 . Thé tich cua khéi lang tru da cho bing
NREY B YT c. 21 p. 37,
12 4 4 4
Cho hinh lang tru 4BC.A'B'C' c¢6 day la tam giac déu canh a, goc giita canh bén va mit phing

day bang 30°. Hinh chiéu ctia 4' xudng (ABC ) 1a trung diém BC . Tinh thé tich khéi ling tru
ABC.A'B'C".
a3

8

a3 b a3
24 T4

3
A. B. L C.
8

Cho hinh ling tru ABCD.A'B'C'D' c6 diy ABCD 14 hinh thoi canh «, ABC = 60° . Chan duong
cao ha tir B' trung v6i tim O clia ddy ABCD; géc gitta mit phang (BB'C'C) véi day bang 60°

. Thé tich lang tru bang:
3 3 3 3
A 3d°\3 B. 243 C. 3d°\2 D.3i
8 9 8 4

Cho lang tru ABC.A'B'C’ ¢6 day 1a tam gic déu canh a, hinh chiéu vudng goc ciia diém 4’ 1én
mit phang (ABC ) tring voi trong tim tam giac ABC. Biét khoang cach giira hai duong thang

AA> va BC bang #. Tinh theo a thé tich cua khdi ling tru da cho.

PENE) B 2\3 c @3 a3
3 Y 6 12

A.

Cho hinh ling tru ABC.A'B'C’ ¢6 A4’ = 2a, tam gidc ABC vudngtai C va BAC = 60°, goc
giita canh bén BB’ va mit day (ABC) bing 60°. Hinh chiéu vuong géc cia B’ 1én mit phing
(ABC ) tring voi trong tAm ctia tam gidc ABC . Thé tich ctia khdi tir dién 4’.ABC theo a bang
%’ 3 %' b, 20
" 208" T 26 C 26 " 208

Cho lang tru tam gidc ABC.A'B'C' ¢6 ddy ABC1a tam giac déu canh « . Hinh chiéu cua diém
A" trén mit phang (A4BC) tring vao trong tim G cuia tam gidc ABC . Biét tam gidc A'BB' ¢6

2

3 Tinh thé tich khéi lang tru ABC.A'B'C".

dién tich bang
3 3 3 3
A 6a7\/§ B. 3a8\/7 C. 3a8\/§ D. 3a8\/§
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Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:
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Cho hinh ling tru ABC.A’B'C’ ¢6 day ABC la tam gidc vudng can tai B va AC =2a. Hinh
chiéu vuong goc cia A’ trén mit phang (4BC) 14 trung diém H cta canh 4B va A4’ = a2
. Tinh thé tich V ctia khdi lang tru di cho.

a*/6 a*/6

AV = . B. V=
6 2

C.V=2a2. D.V=d3.

Cho lang try ABC.A'B'C"' c6 day la tam giac déu canh 2a, canh bén AA’' = 2a. Hinh chiéu
vudng goc ctia 4’ 1én mit phang (ABC ) 1a trung diém BC . Thé tich ctia khdi lang tru di cho la

A. 3. B. 24°\3. C. 34°\2. D. 24°6 .

Cho hinh ling tru 4BC.4'B'C’ ¢6 ddy ABC 1a tam giac déu canh a, AA' = 3?61. Biét rang hinh

chiéu vudng géc cta diém 4’ 1én mit phang (ABC) la trung diém cua canh BC. Tinh thé tich

Vv cua khéi lang tru d6 theo a.

3 3
A.V:a3\/§ B.sz%. C.V:3j_. D.V=a.
42

Cho hinh lang tru ABC.A'B'C' ¢6 day la tam giac vuong can dinh 4, AB=a, AA' =2a, hinh
chiéu vudng géc ciia 4’ 1én mat phiang (A4BC) la trung diém H ciia canh BC. Thé tich cua khdi

ling tru ABC.A'B'C’ bang

14 14 a7 PANE]
2 4

A. B. C. . D. .

4 2

Cho lang tru ABC.A'B'C’' ¢6 ddy ABC la tam giac déu canh a, d6 dai canh bén bang 2?‘1 hinh

chiéu ctia dinh 4’ trén mat phang (ABC ) tring voi trong tim cua tam giac ABC . Thé tich khdi
lang tru ABC.A'B'C’ bang:

3 3 3 3
NCRES g O3 e 23 p, 93

36 6 12 24

Cho hinh ling truy 4BC.4'B'C" ¢b day ABC latam giac déu canh a, AA'= 3761 . Biét rang hinh

chiéu vuéng géc ctia 4' 1én (ABC) 1a trung diém BC . Thé tich ctia khdi lang tru 4ABC.4'B'C"

la

3 3 3 3
A.a"/i. B.3“"/§. C.“'*/g. p. 2%
8 8 2 3

Cho hinh lang tru ABC.4'B'C" ¢6 day 1a tam giac déu canh bang a ., hinh chiéu vudng goc cua
A" 1én mit phing (ABC ) triung voi trong tAm G cua tam giac ABC . Biét khoang cach giira

BC vi AA' bing #. Thé tich khéi chop B'.ABC bing:

3 3 3 3
RER g OV e o3 p, &3
36 9 18 12
Cho ling tru ABCD.A'B'C'D' ¢6 ddy ACBD 1 hinh thoi canh a, biét 4'.4ABC 1a hinh chép

déu va A'D hop véi mit day mot goc 45°. Thé tich khéi lang tru ABCD.A'B'C'D' 1 :

A.
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Cau 74:

Cau 75:

Cau 76:

Cau 77:
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3 3
“If. C. 3. D. “f.

Cho hinh ling tru 4BC.A'B'C’ ¢6 day la tam giac déu canh «. Hinh chiéu vudng goc cua diém

A. a’. B.

A’ 1én mit phang (ABC) tring véi trong tim tam gidc ABC . Biét khoang céch giita hai duong
roos 3 a\/§ , 2 .y , K- 1w oyt
AA" va BCbang 2 Tinh thé tich 7 cua khoi lang tru ABC.A'B'C".

3 3 3 3
A.V:“ﬁ. B.Vzaﬁ. C.Vzaﬁ. D.Vz“ﬁ.
6 24 12 3

Cho hinh lang tru ABC.A'B'C’ ¢6 day 1 tam giac déu canh a. Hinh chiéu vudng goc cua diém
A’ 1én mit phang (ABC ) tring voi trong tim tam giac ABC . Biét khoang cach giita hai duong

thang 44’ va BC bang %. Tinh thé tich ¥ cta khdi ling tru ABC.A'B'C’.

3 3 3 3
A.V=a‘/§. B.V=“‘/§. C.V="‘/§. D.V:‘“/g.
6 3 24 12

Cho lang tru ABCD.A'B'C'D’ ¢6 ddy ABCD la hinh thoi canh a, tam O va ABC =120°. Goc
giita canh bén 44’ va mit day bang 60°. Pinh A4’ cach déu cac diém 4, B, D. Tinh theo a
thé tich V' ctia khéi ldng tru da cho.

3 3 3
A.V:%. B.V:af. C.Vz"f. D. 7 =a’\3.

Cho hinh lang tru ABC.A'B'C' ¢6 ddy ABC la tam giac vuong tai A, AB=a, AC = PNER
Hinh chiéu vuéng géc ctia dinh 4’ 1én (ABC) tring véi tam clia dudng tron ngoai tiép cla tam

gidc ABC. Trén canh AC ldy diém M sao cho CM =2MA . Biét khoang cach giita hai dudng
thang A'M va BC bang %. Tinh thé tich ¥ cta khéi lang tru da cho.

3 3 3
A.Vzaf. B.V=d. cw:%. D.V=2a3ﬁ.
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KHOI PA DIEN
THE TICH KHOI PA DIEN

BAI 3. THE TICH KHOI PA DIEN

@ HE THONG BAI TAP TRAC NGHIEM.

DANG 1. THE TiCH KHOI LANG TRU PUNG

Cau 1:

Ciu 2:

Thé tich khdi ling tru |V

lang tru

=S4, chieu cao

. Thé tich khéi 1p phuong |V = a’| . Thé tich khéi hop chit nhat

Hinh ling tru diémg va hinh Ling tru déu:

. Hinh ling tru déng 13 hinh ling tru c6 cac canh bén vudng goc v6i mit phing day. Do d6 cac
mit bén cta hinh ling try ding 1a cac hinh chit nhat va ndm trong mat phang vudng goc véi mit
phing day.

. Hinh ling tru déu 13 hinh lang try dimg c6 day 1a da giac déu.

Cho khdi lang tru c6 dién tich day bang a3 , khoang cach gitra hai day cua ling tru bang a6
. Tinh thé tich ¥ ctia khéi lang tru

3 3
¢ ;/5 D. v =22 4*/5

A. V=342 B. V =d’\2 C.V=
Loi giai

Chon A

Thé tich khdi lang tru 13 V = B.h = a*\3.a/6 =34°\2

Cho khéi ling tru dimg ABC.A'B'C'c6 B'C =3a, ddy ABCla tam gidc vudng can tai B va

AC = a~J2 . Tinh thé tich ¥ ciia khéi lang tru dung ABC.A'B'C’.

V24° a’
3 N

AV =24, B. V =+24. C. V=

Loi giai

Chon C
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Cau 3:

Cau 4:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’

-

3

bay ABC la tam giac vuong can tai B va AC = aN2 = BC = AC = —2 =

ABB'C vudng tai B = BB' = /(B'C)’ = BC* =/94* —a* =2av2..
1 24°
T

, 1 1
V:E.BB .SAABC zgza\/zgaz =

Vay thé tich cuia khéi lang tru dimg ABC.A'B'C' 1a V =

V24’
o

Cho hinh ling tru ding ABC.4A'B'C’ ¢6 day ABC la tam giac vudng tai 4, biét AB=a,
AC =2a va A'B=3a. Tinh thé tich ctia khdi lang tru 4BC.4'B'C’.

3 3
A. 2*?“ . B. *E“ . C. 54, D. 224°.
Loi giai
Chon D
A’ C’
3a B’
2a
A‘ — -, ———— »C
a
B

+Diéntichdayla S ;. = %AB.AC = %.a.Za =a’.

+ Tam gidc ABA’ vudngtai A néncd AA' =~ A'B* — AB*> = ,/(341)2 —a® =2a2.
+ Thé tich can tinh 1a: V =8 ,..AA" = a>2a\2 = 2424°.

Cho hinh lang tru dimg ABCD.A'B'C'D’ ¢6 déy ABCD 1a hinh chit nhat, AB=a, AD = a2
, AB’ = a/5 (tham khao hinh v&). Tinh theo athé tich ¥ cua khéi lang tru da cho.
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Caiu 5:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Df CF
Af
A
3
AV =d2. B. V =24'2. C.V=a'J10. D.V:2“3‘/§.

Chon B
S pep = AB.AD = aa2 =a’\2.

2
Trong tam gidc ABB’, BB' =~ AB'> — AB* = ,/(a«/g) —a* =2a.

Vay V = BB'.S ,,0p =2a.a*\N2 =24’ 2.

Lang tru tam gidc déu c6 d6 dai tat ca cac canh bang 3. Thé tich khdi ling tru da cho bang:

VALY 5. 203, ¢ 28, ALY
- 4 2 4 2
Loi giai
Chon A
2
Day hinh ling try 1 tam giac déu canh bang 3 nén § = 3 f = #

Chiéu cao ctia hinh lang tru bang 4 =3

03 ,_27\3
3= .

4

Thé tich V =S.h=

Cho hinh ling tru dimg ABC.A'B'C’ c6 diy la tam gidc vudng can tai B, AB=a va

A'B = aJ3 . Thé tich khéi lang tru ABC.A'B'C’ 1a

3 3 3 3
AL V3 B. L c. L D. 2 2
2 6 2 2
Loi gidi
Chon D
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Cau 7:

Caiu 8:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A ¢

2
Taco AA' =JA'B — 4B =a\2, S, = %ABZ —
Thé tich khéi lang tru 1a V = 44'.S , = ——

a*\2
;o

Cho hinh ling try ding ABC.A'B'C" ¢6 day la tam gidc déu canh a, A'B tao voi mit phing day
mot goc 60° . Thé tich khéi lang truy ABC.A'B'C" bang

3 3 3 3
A B. L. c. 3 D. 3%
2 4 4
Loi giai
Chon C
N
N
.
C
A
600
B
a3

Day la tam gidc déu canh a, c6 dién tich: S, . =

Vi 44" L (ABC)= A'BA=(A'B,(4BC))=60", suyra: A4'= ABtan60" = a3

Vay thé tich khéi lang try:

Viscape = SAABC'AA' =

a*\3 3a’
a3 ="
4 4

Cho hinh lang tru ding ABCD.A'B'C'D', day la hinh thang vuong tai 4 va D, co
AB =2CD, AD = CD = a~J2, AA' = 2a . Thé tich khéi lang tru da cho bing

A. 124°. B. 6a°. C. 2a°. D. 4a’.
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Cau 9:

Cau 10:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi giai

Chon B

Ab____"'____ B

Dién tich hinh thang ABCD la:

(4B+CD).AD _(2CD+CD).AD _3CD.AD _3.av2.aV2 _

= 3a’.
ABCD 2 2 2 2

Thé tich khi ling tru di cho: V =S ,.,.44' =3a> 2a = 6a°.

Tinh thé tich khéi lang try dimg ABC.A'B'C' biét AA' =2a; AB =3a; AC =4a va AB 1L AC .
A. 12a°. B. 4a’. C. 24a°. D. 8a’.
Loi giai

Chon A

N

B

Taco: S ;- =%AB.AC = %3a.4a =6a’.

Vay Ve g = A4S e =120
Cho hinh ling try dimg ABCD.A'B'C'D' c6 day la hinh thoi, biét A4’ =4a, AC=2a,BD=a.
Thé tich V' ctia khéi lang tru 1a
A.V=8a. B.V=2a". C.V:§a3. D.V=4a.
Loi gii

Chon D
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Cau 11:

Cau 12:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

B c

4a

\,
i
,
g

2a __--

Thé tich ¥ cua khéi lang trula: V' =S ,.,.44 = %.AC.BD.AA' = %.2a.a.4a =4d’.

Cho hinh hop dimg c6 mot mit 1a hinh vudng canh a va mot mit c6 dién tich 1a 3a”. Thé tich

khéi hop 1a
A a’. B. 34°. C. 2a°. D. 4a’.
Loi giai
Chon B
B’ C
A’ D
B, C
4 D

Gid st mat ABB' A' 1a hinh vuéng canh béng a, mat ABCD co6 dién tich béng 3a”.
Do d6 chiéu cao h = A4'=a, diéntichdayla B=S ., =3a’.
Suy ra thé tich ciia khdi hop d6 1a V =3a%a =34’

Cho khéi hop chit nhat ABCD. A'B'C'D’,biét AB =a;BC =2a;AC' = a~/21 . Tinhthétich V' cia
khdi hop do?
A. 4a’. B. 164’ . C.-a'. D. 8a°.

Chon D
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Cau 13:

Cau 14:

Cau 15:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ D'

B 2a c
Xét tam giac vuong ABC, tacod: AC =~ AB* +BC* = avs.
Xét tam giac vuong ACC’, tacd: CC' =+ AC” - AC* =4a..
Vay thé tich ctia khéi hop hop chit nhat ABCD.A'B'C'D' 1a: V =a.2a.4a=8a’.

Hinh 1ap phuong c¢6 d6 dai dudng chéo bang 6 thi co thé tich 1a

A. 242, B. 544/2. C. 2443 D. 8.
Loi giai
Chon C

Goi canh cua hinh 14p phuong 13 a(a > 0).

= duong chéo cua hinh 1ap phuong la a3 .
Theo bairataco: av3 =6=a=2/3.

Vay thé tich ciia khéi lap phuong la: ¥ = (2\/5 )3 =243.

Cho khdi hop chir nhat ABCD.A'B'C'D' ¢6 AA' =a, AB =3a, AC =5a . Thé tich cta khéi hop

di cho la

A. 5a°. B. 4a’. C.124°. D. 154°.
Loi gidi
Chon C
A D
B' i C'
A / D

B C
Xét AABC vuéng tai B, taco: BC=vAC* - 4B = \[(5a)’ -(3a)’ = 4a.
S sep = AB.BC =3a.4a=12a

Viscoascrn =Spep-AA =12a* .a=12a" .

Cho hinh hdp dung c6 canh bén d¢ dai 3a, day 1a hinh thoi canh a va cé mét goc 60°. Khi do6
thé tich khdi hop 1a
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3 3 3 3
A.3‘“/§. B.“ﬁ. C.“‘/g. 2.3‘“/5.
4 3 2 2
Loi giai
Chon D

Ta co6 chiéu cao h=3a.

2 2
Hinh thoi canh a va c6 mot goc 60° c6 dién tich S =2. a f -4 2\/5
3
Thé tich khéi hop 14 V7 = S = 22 2*/3 :

Cau 16: Cho hinh lang tru dung ABC.A'B'C' c6 BB'=a, ddy ABC la tam giac vudng can tai
B, AC = aﬁ . Tinh thé tich lang try

B' CY

C.a.

=
Y

3
AL B.
3
Loi giai
Chon D

2
Trong AABC: AC* = AB> + BC* <> 2AB = (aﬁ) < AB=BC=ua.

: . 1 ’
Thé tich khi lang tra ABC.A'B'C’ 18 Ve e = Sypc-BB = ABBC.BB' = "7

Cau 17: Cho hinh lang tru dimg ABCD.A'B'C'D’, ¢6 ABCD 1a hinh vudng canh 2a, canh AC' = 2a+/3
.Thé tich khéi lang tru ABC.A'B'C’ bang

A. 4a’. B. 3a’. C.2a. D. a’.
Loi giai
Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ D'

B!

C!

B C

Tacod: AC'? = AB* + AD* + AA”? = AA"”? = 4a* = A4 =2a.
Thé tich khéi lang tru 4BC.A'B'C’1a

= %.AB.AD.AA’ = %.2a.2a.2a —4a°.

VABC.A’B'C’

Ciu 18: Cho lang tru ding ABC.A'B'C"' c6 day ABC'la tam giac vudng can tai A v6i BC=a va
mit bén AA'B'B 1a hinh vudng. Thé tich khéi lang tru ABC.A'B'C'bang

2 2 1 1

A. £a3. B. £a3. C.—-a’. D. —a’.
= 8 4 4 12

Loi giai
Chon A
A i
m B
C a

CV

2
Tam giac ABC vuong cantai A = AB = BC;/E — a2 - 1 a

2 2 4’
Mit bén AA'B'B la hinh vuong = AA'= AB :%.

A , a2 @& o2
Vay Vipcaper = AA"Spe :T-T: g

Cau 19: Cho khbi da dién (kich thudc nhu hinh vé bén) duogc tao bdi ba hinh chit nhat va hai tam giac
bang nhau.
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Cau 20:

Cau 21:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Gem
8cm
Tinh thé tich khéi da dién da cho.
A. 48cm’. B. 192cm’. C. 32cm’. D. 96cm’.
Loi giai

Chon D
Tir gia thiét, suy ra khéi da dién 12 mot khdi lang try dtng c6 day 1 tam giac va cac mit bén 1a
hinh chit nhat.

Thé tich khéi da dién 1a 7 = %.6.4.8 —96(cm’).

Cho khéi lang tru tam giac déu co tit ca cac canh bang @ . Thé tich khdi lang tru d6 bang
a’\J6 a’\2 a3 a’\f3
A 4 B. 4 c. 4 p. 12
Loi giai
Chon C
2 2 3
Dién tich day S =2 \/g,chiéucao h=a.Khido V=2 fa:“ f.
Cho hinh lang try tam gidc du ABC.A'B'C’ ¢6 AB =2a, AA’' = a~/3 . Tinh thé tich khéi lang tru

ABC.A'B'C".

3
A. 3a’. B.%. C. —. D. a’.

Chon A
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Cau 22:

Cau 23:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A C'

a3

Thé tich khdi ling try ABC.A'B'C': V = AA'S ;. = a /3. =3d.

(20)'3
4

Cho hinh lang try tam giac déu ABC. A’B’C’ cb AB=2a, AA'= a~/3 . Tinh thé tich khdi lang tru
ABC. A'B’C".

3
A. 3a’. B. a’. C. —. D.%.

Chon A

Lang tru ABC. 4’B’C’ 1a lang tru déu nén A4BC 1a tam gidc déuva A4' L (A4BC).
» 44" 1 (ABC)=> chidu cao cua ling try 1a: h= A4'=av3.
* AABC la tam giac déu c6 AB =2a = AABC dién tich la:
AB)Y' B (24)’\3
SAABC=( ‘)‘\/7=(a2‘\/7=a2\/§.

— Thé tich khéi lang tru 1a: V; .. = h.S, e = ax3.a°\3 =3a’.

Cho hinh lang tru dimg ABC.A'B'C' c6 day ABC 1a tam giac vuong can tai 4, BC = ax/i,
A'B tao voi ddy mot goc bang 60°. Thé tich ctia khéi lang tru bang
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Cau 24:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

3 3 3 3
A. V3a . B. 3a . c. 3% D. &
2 4 2 2
Loi giai
Chon A
A \\ C
\i\ a2

e
ABC 1a tam gidc vuoéng can tai 4, BC=aN2 = AB=AC=a= S, :%a.a:—a .

A'B tao véi ddy mot goc bing 60° = BA'B' = 60".
ABA'B":tan BA'B' = 25— 3 BB'= B3A'B'= a3,

A'B'
3
Thé tich khi ling tru ABC.A'B'C'1a: V iy ppocr = BB'.S,\ 1pe = aﬁ%az = */52“ :

Cho khdi lang try dung tam gidc ABC.A'B'C' c¢6 day 1a mot tam giac vudng tai 4. Cho
AC = AB=2a, gbc giita AC' va mit phang (ABC) bang 30°. Tinh thé tich khdi lang tru
ABC.A'B'C".

3 3 3 3
A.2"‘6. B.“‘/g. C.S“ﬁ. 2.4“*6.
3 3 3 3
Loi giai
Chon D
Q B

Dién tich tam giac ABC: S, :%AB.AC =2a’.

Hinh chiéu vuéng goc cia AC" 1én (ABC) 1a AC.

= Goc giita AC' va mit phang (ABC ) 1a goc tao boi giita dudng thing AC" va AC hay C'AC
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Cau 25:

Cau 26:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Theo bai ra co C'AC =30°.

2443
Xét tam gidc C'CA vudngtai C c¢6 CC'= AC.tan30° = a;/_.
: . 2a/3 4a’\/3
Thé tich ctia khéi lang tru ABC.A'B'C' 13 V e yper =CC'S e = "3‘/_ 24 = ‘ZT[

Cho lang tru ding tam giac ABC.A'B'C' ¢6 day ABC la tam giac vudng can tai B voi
BA=BC =a,biét A'B tao v6i mit phing (4BC) mot goc 60°. Thé tich khdi ling tru di cho

bang
3 3
3 3
A. 24°. B.a\/_. g.af. D. <.
6 2 2
Loi gii
Chon C
A B
N
N\
N\ C

Goc gitra duong thang A'B va mit phang (ABC) 1a A'BA=60"= A'A= AB.tan 60" = a3

2 3
ABC 2 2

ABC.A'B'C' — M A4BC* 2

Cho hinh ling try dimg ABC.A'B'C' ¢6 day ABCla tam giac vuong tai A, ACB =30° biét

, . : 1
goc gitta B'C va mat phang (ACC'A') bang & thoa man SIna :ﬁ' Cho khoang cach

giita hai duong thaing 4'B va CC' bang a3 . Tinh thé tich ¥ ciia khéi lang try ABC.A'B'C'

3
AV =d6. B.Vﬂf. V=3 p. V=243,
Loi gii

Chon D
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Cau 27:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A C

AI

* Ta co: CC'//AA'= CC'l/(AA'B'B)

Ma A'Bc(44'B'B), nén
d(CC';4'B)=d(CC';(44'B'B))=C'4'=a\3
*Taco: AC=A4'C'=a\3;4B=A'B'=a;
a’\3

2

Dién tich day la B =dt(ABC)=
* D& thdy 4'B' L (ACC'A")

Goc gitta B'C va mit phing (ACC'A4") 1a B'CA'=«a
A'B' 1

sing=2" = _ = B'C=2a/5
B'C 25
CC'=+/B'C*—B'C" =204* —4a* =4a
2
» 3
* Thé tich lang trula V = B.h v6i h=cC'V = 2 \/—.461:2613\/5-

Cho hinh ling try tam giac déu ABC.4'B'C' ¢d AB=a, goc giita dudng thang 4'C va mit
phang (ABC) bang 45°. Thé tich khdi ling tru 4BC.4'B'C" bang

3 3 3 3
A.a\/g. B.aﬁ. C.a\g. D.a\/g.
=y 2 12 6

Loi giai
Chon A
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Caiu 28:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ c

Co: W:m:%".

— AA'
Xét tam giac A'AC vuongtai A, tacé: tanA'CA = i = AA'=a.

2 3
. . 3 a3
Thé tich khoi lang tru 4BC.4'B'C' 1a: V = AA'.S, . = a. a ;/_ = :1/—

Cho hinh lang try tam giac déu ABC.A'B'C' ¢ AB=4a, goc giita duong thang A'C va mat

phing (ABC) bang 45°. Thé tich khéi lang tru ABC.A'B'C’ bang

3 3 3
A.a\/i. B.a\/g. C. 1643 D.a\/g.
4 2 6
Loi giai
Chon C
C A
<
cﬁ/‘{;f’,,,,fq ,,,,, A
4a 4a

ABC.A'B'C’ 14 lang tru tam giac déu = ABC.A'B'C’ 1a lang try dung va day la tam giac déu.

Ta co:

AAL(4ABC)= (m)) = A'CA=45" = AL'AC vuéngcintai A=> A'd= AC =4a.

2 2
SAABC - (ABA)I. \/g - (4a2|- \/g - 4612\/5 = VABC-A'B'C' = AA"SAABC = 461.4(12\/5 = 1603\/5 .

Page 15



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cau29: Cho ling tru déu ABC.A'B'C'. Biét ring goc giita (A'BC) va (ABC) la 30°, tam
gidc A'BC c6 dién tich bang 8. Tinh thé tich khdi lang tru ABC.A'B'C’.

A 83 B. 8. c. 33, D. 8V2.

Loi giai

Chon A

bit AB = x,(x > 0), goi M 1a trung diém BC .

(4'BC)=(4BC)=BC
Tacé { AM L BC = ((4'BC),(4BC)) = AMA=30°,
A'M 1 BC

Xét A'AM . c6 a'M =M :xﬁ 2

cos30° 'ﬁzx'

1
SAVBC=8©5A'M.BC:8@)¢2:16:>x=4

Suyra 4’4 = AM .tan30° =

43 1 163
N -ﬁzz;SABC: =443

4
Vay Vpe spe = A'AS 50 = 2~4\/§ = 8\/5.

2
a

5 . 3 ,
Cau 30: Cho lang tru tam giac déu ABC.A'B'C" c¢6 dién tich day bang . Mat phang (A'BC) hop

v6i mit phang day mot goc 60° . Tinh thé tich khdi ling try ABC.A'B'C".

3 3 3 3
5.3‘“6 B.aﬁ (:.5‘“/5 D.3aﬁ
g 8 12 8
Loi gidi
Chon A
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Cl

2

) . a .
Viday ABC latam giac déu co di¢n tich bang = canh day bang ,.
. 2 BC L AM
Goi M trung diém BC , ta c6 =BCLlLA'M
BC 1L A4'

Tir dé ta c6 ((4' BC),(ABC))=(A"M, AM )= A" MA = 60"

Xét AA'AM tacd 44'= AM .tan 60° =37a

3 3a*\3

Thé tich lang tru ABC.A'B'C'1a Vg pper = AA"S 1y = :

Cau 31: Cho lang try tam giac déu ABC.4'B'C’ ¢6 canh day bang @ va AB' vudng goc voi BC'. Tinh
thé tich 7 cua khdi lang tru di cho.

3 3 7 3
A.V=a\/g. B.Vza\/g. C.V:a3\/€. D.V:i.
4 = 8 8
Loi giai
Chon B
/r
. 7
7
7
7
7
7
7
7

Pat x=BA, y=BC ,z=BB', theo gia thiét AB' | BC'nén
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Cau 32:

Cau 33:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2 2

z| —xy—-xz=0&z| =xy

ABBC =0 (7-3)(5+7) =0 25+ :
o [ = ipleoseo = 2= - 442

1 \/g(f

Vay Ve ope = 3 AB.AC.sin60°.BB' = 8

Cho hinh lang try dimg ABC.A'B'C" c¢6 day ABC 1a tam giac déu canh bang , va (A 'BC) hop
v6i mat ddy ABC mot goc 30°. Tinh thé tich ¥ ctia khdi lang tru ABC.A'B'C".

3 3 3 3
3 3 3 3a
A.Vza[. LAY ALY p.V=""0
8 12 24 8
Loi giai
Chon A
A ¢
\\\\\\ B
A RS=I1C "*“\*\ “““ *C
\_:@H
B

Goi H 1a hinh chiéu vudng goc cia A4 trén BC . Suyra AH L BC.

A'H L BC.
Ma (4BC)(4'BC)=BC

= Goc giita (A'BC) va (ABC) bing goc (AH; A'H) = AHA'=30°.

, . craA 3 N a3 a
Ta co: ABC la tam giac déu canh bang 0 nén AH :T, A'A = AH .tan 30° :E.

2 3
. . 3 3
Thé tich khéi ling try ABC.A'B'C' 1a V = A'A.S, 50 =%- ? ;/_ =2 ;_.

Cho lang try dimg ABC.A'B'C’ ¢6 day ABC latam giac vuongtai A va AB=a, AC= a3
, mit phing (A'B C ) tao voi day mot goc 30°. Thé tich ctia khdi lang tru ABC.A'B'C’ bang
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3 3 3 3
A.a\/g. B.a\/g. C. W3a . D. V3a .
12 3 4 4

Loi gidi
Chon D

* Xac dinh goc giita mat phang (A4'BC) va mit phang day:

Trong mit phang (ABC ) , dung 4H | BC véi H nam trén canh BC . Theo dinh Iy ba duong

vudng goc, taco: 4'H | BC . Vay (@E),(ATC)) = A'HA = 30°

* Xét tam giac ABC co: A11-12 = A;z + AlCz = %+§ = AH = #.

Dién tich B cua tam gidc ABC la: B= AB.2AC: azz\/g.

* Xét tam gidc A'HA vudng tai A, ta cb: A'A= AH.tan30° :%. Thé tich khéi ling tru
ABC.A'B'C' bing V= B.h= azf.gz 64“3 .

Cau 34: Cho hinh lang try dung, c6 day ABC la tam giac vudng can tai A, 4B = a~/2, goc gilta mp
(4B'C'") va mp(ABC)bing 60°. Thé tich khéi lang tru bing

A. 343, B. 3V3d'. C. &. D. 3a’.

Loi giai

Chon D
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Cau 35:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

B

C

Goi [ la trung diém cua canh B'C"'.
Ta c6 goc gitra mp(AB'C') va mp(ABC) bang goc giita mp(AB'C') va mp(A'B'C‘)
Ta c6 B'C':(AB'C'>Q<A'B'C')

Vi ABC la tam gidc vudng cén tai A nén hai mat bén ABB'A' va ACC'A' 1a hai hinh chir
nhat béng nhau, do d6 AC'= AB'= AAB'C"' latam giac cAntai A = Al L B'C"

Vi AA'B'C' 1a tam gidc vuong can tai 4' nén A'l 1 B'C'. Nhu vy gbc giira mp(AB'C') va

mp (A4BC) biang AIA'= 60’
Ta co A']:%BczaéAA':A'].tan600 = a3

1 2
= Viscape =AA"S o = a\/g.a(a\/ﬂ = a3\/§

Cho hinh lang try déu ABC.4’B'C’ . Biét khoang cach tir diém C dén mit phang (ABC ') bang
, . 1 , .
o, goc gitta hai m3t phing (4BC') va (BCC'B') bing o véi cosa = N Tinh thé tich khéi

lang truy ABC.A'B'C’.

3 3 3 3
A.sta\/z. B.sta\/z. C.Vza\/z. D.V:3a\/§.
4 = 2 2 8
Loi giai

a
3
S
=]
I=
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Cau 36:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ lold

Goi M, N lan luot 1a trung diém cua AB va BC

/
Do {AB YL (McC")=(4BC’) L (MCC').

AB 1 CM

Ké CK vuéng goc voi CM tai K thi ta duge CK L (4BC'), do d6 CK =d(C;(ABC'))=a.

3
bat BC:x,CC’:y,(x>O,y>0),taduqc: CM:XT
1 N 11 <:>4_|_L_i<1)
cM* cCc”* cK* 3y a
KéCELBC/taiE,tadu:chECZOl,EC:KC: a :a\/g_
sina \/1_1 11
12

11 11
Lied Gt T d

2).

6
Giai (1),(2) ta duge x=2a,y = % .
Thé tich khéi lang tru 4BC.A'B'C’ la:

y x2\/§ B a\/g 4a2\/§ B 3\/5613

4 2 4 2

V =

Cho khéi lang tru tam giac déu ABC.A'B'C’' ¢c6 A'B = a\/g , duong thang A'B vudng gbc véi
duong thang B'C . Tinh thé tich khi lang try da cho theo .

3 3 3

a \/g 3 3a 9a

A. : B. 4’0, C.—. D. —.

- 3 \/— 4 4
Loi giai

Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A D

PR D'

B' C’
Dung hinh hop ABCD.ABCD khi d6 tr giac ABCD 1a hinh thoi.
bat AB=x=> AD=x
Tam giac ABD c6 goc BAD =120° 4p dung dinh 1y cosin ta co:
D? = AB®> + AD*> —2AB.AD.cos BAD = x* + x* —2x.x.cos 120 = 3x?
Taco: A'B= d\/5:> A'D= Cl\/g
Tacod: A'D//B'C = A'B L A'D = AA'BD vudng tai A’
= BD? = A'B* + A'D* & 3x* =12a> & x> =4a’ = x=2a

Chiéu cao hinh tru 44" = A'B*> — AB* = 6a* —4a* =2a*> = AA' = a2

1 \/7 Jé6a®
= Vipeawe =5 AA Sypc = a\/_ 2a.2a.
3 2 3
Cau 37: Cho khdi lang try déu ABC.A'B'C' c6 canh day bang ,. Khoang cach tir diém A4' dén mat phang
(4B'C") ba 2033 1 ich cia khéi lang try da cho 12
J19
3 3 3 3
3 3 3 3a
@3 g, £33 ¢ 2P D. =
4 6 - 2 2
Loi gii
Chon C
A C

Goi M 1a trung diém ctua B'C".
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Cau 38:

Cau 39:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Ta co {AA'J_B'C' :>B'C'J_(AA'M) :>(AB'C')J_(AA'M) theo giao tuyén AM .

A'M 1L B'C'

Ké A'H 1. AM trong mit phang (AA'M), suy ra DA'HL(AB'C').

Vay khoang cach tir A' dén mat phang (AB'C') la A'H = 2a\/§'
J19
Ta Cé 1 = 1 + 1 - 1 = 1 — 1 = 1 :>A'A:2a.
A'H> A'A A'M° A4 AH A'M* 4a’
2 3
, . a’\N3 a3
Vay thé tich khéi lang tru la V' = AA4".S ;.. = 2a. ;/_ = ;/_ .

Cho lang tru dimg ABC.A'B'C’ day la tam giac vudng can tai B, 4C = a~/2, biét goc giita
(A'BC ) va day bang 60° . Tinh thé tich ¥ ctia khdi lang tru.
a3 a3 a*\3 a*\6

A V= : B. V= : C.V= D. V= .
- 2 3 6 6

Loi giai

—————

Tam gidc ABC vudng cantai B, AC = a2 = AB=BC=a.

2
a

Suisc = D
Géc giita (A'BC) va day la goc A'BA=60'.
A'A= AB.tan 60" = a+/3 .

612 a3\/§

VABC.A'B'C' = SAABC'A’A =7.a 3= 5

Cho hinh lang try tam gidc déu ABC.4'B'C" c6 géc giita hai mit phang (A4'BC) va (ABC) bing
60°, canh AB =a. Tinh thé tich ¥ cua khoi lang tru ABC.A'B'C’.

3 s ER 33

A.VzTa. B. V= C.VzTa. D. V=34,
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi giai

Goi M 1a trung diém cta BC suyra AM L BC (1)
BC 1L AM

Ta co = BC L A'M (2)
BC 1 AA'

Mit khac (ABC)(A'BC)=BC (3)

Tir (1), (2), (3) suy ra (4BC);(A'BC)) = AMA = 60°.

va AM

Vi tam gidc ABC déunén S, ,. =

N3 a3
L3

Taco AA' = AM.tan6O°:37a.

R , 3a a2\/§ 3a° \/§
Vay Ve uger = A4S yu5c :?' 4 = g

Cau 40: Cho khéi lang tru tam giac déu ABC.A'B'C' c6 canh day 1a a va khoang cach tir 4 dén mit

phang (4'BC) bang %. Thé tich ciia khdi lang tru bang:

3 3 3 3
A.3\/5a. B.\/Ea. g.3a\/§. D.3a\/§.
12 16 16 48
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Cau 41:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A a C

Goi I 1a trung diém cia BC va H 1a hinh chiéu vuong goc ctia A trén A'1 . Khi d6 ta co:
a

d(4,(A'BC))=4H = >

Trong tam giac vuong AA'l ta co:

Pttt 1 o1 11 4 48
AH®  A4” A 44”7 AH® A (a)z w3) @ 3@ 3d°
2 2
6
Suy ra: AA' =§.

_a2 3’61\/8_3613\/5

Thé tich khéi ling trula: V =S, ,,...AA4" =
gt ABC 4 4 16

Cho khéi ling tru dimg ABC.A'B'C' c¢6 ddy ABC la tam giac can voi AB=AC=a,
BAC = 120°, mit phiang (4'BC") tao véi day mot goc 60°. Tinh thé tich cia khdi lang try da

cho

3 3 3 3
A V=L B. V=% c P Q.V=3\/§a .
8 8 8 8

Loi giai

Ha BT L A'C'.Khi d6 ta co ((4'BC),(4BC))= BIB =60°
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Cau 42:

Cau 43:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

B'T a

Vi BA'C' =120° = B'A'T = 60°. Do do sin60°=ﬂ@3'1=

3
5
Suy ra tanﬁ}=ﬁ<:>tan60°=£@BB'zﬁ.\/_:g)—a

B'l B'l 2 2

1 1 a a3
Mit khac S, ,..=—.AIBC=—." g3 = .
' MBE 9 2°2 4

a3 a3 334

Vay thé tich khéi chép 1a V = B.h = .
4 2 8

Cho hinh ling try déu ABC.4'B'C’ c6 canh day bang «. Puong thing 4B’ tao voi miat phing
(BCC'B') mt gée 30°. Theé tich khéi lang tru ABC.A'B'C’ theo a.

3 3 3 3
A.3i. B_a__ C.a\/g' Q-a\/g.
4 4 12 4
Loi giai

o
5
A K1 _:_:\ ______________________ C
) M

Goi M 1a trung diém cta canh BC. Do ABC.A'B'C’ 14 hinh lang try tam giac déu nén ta co
AM L(BCC'B') = (AB',(BCC'B')) = AB'M =30°.

. AM AM
Xét tam giac vudong AB'M ta c6 tan30° = < AB' = < AB' = 3a :
AB' tan 30°

2 2
Xét tam gidc vudng B'BM taco BB =~B'M> —BM> = ‘/9%—% —a\2.
1 a3x/g
—

Thé tich khéi ling truy ABC.A'B'C' 14V iy yper = 5 AB.AC.sin 60°.BB’ =

Cho hinh ling tru ding ABC.A'B'C’, biét ddy ABC la tam giac déu canh «. Khoang cach tir

tim O cla tam gidc ABC dén mit phing (A4'BC) bang %. Tinh thé tich khdi ling tru

ABC.A'B'C'.
3 3 3 3
A.3“‘5. B.3“‘5. C.3‘“E. D.3“‘E.
8 28 4 = 16
Loi gidi
a3

Dién tich day 1 B =Sy 5c =—,—
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Chiéu cao la h=d ((ABC);(A'B'C’))= A4’

Do tam gidc ABC 1a tam giac déu nén O 1a trong tAm cila tam giac ABC . Goi I 1a trung
diém ctia BC, H 14 hinh chiéu vudng goc ciia A4 1én AT taco
AH 1 (A'BC)=d(4;(A'BC))=AH

AV CV

d(0;(4'BC)) 10 1 o ~
W_E_S:»d(o,(ABc))= =—=—=4H =

Xét tam giac A'AI vudng tai A ta co:

1 11 1 11 _aV3 a3 3a*\2

+ = = - = AA' h=—==Vpcspc =
AH?  AA”  AI* T A4?  AH?  ADP 22 N 16

Ciu 44: Cho mot lang try tam gidc déu ABC.A'B'C’ ¢b canh day bang a, goc giita A'C va mit phang

day bang 60°. Tinh dién tich xung quanh S_ cua hinh nén c6 day la duong tron ndi tiép tam

P

giac ABC va dinh 1a trong tdm cua tam gidc A'B'C’.

A’

ra*+/333 wa*~/333

ra*N111
. Y .S, D.S =———.

M 36

g
%]
I
=~
%]
I
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ B
-
M\
/AN
/1
1 1 |\
I 1|\
D T [ i
A \/I/.’L | ;\}\/
l / /‘(';<\ y
NG -\ - M
C

Tacd (4'C;(ABC))= A'CA=60° suyra Ad'= AC.tan60°=+3a.

L:ﬁa va l=G'M =~G'G* +GM* = 3a lla

Cor=GM = lAM—l
3 3 2 6

BV zd®333

Vay S, =nrl= 7r—a a= )
6 36

DANG 2. THE TiCH KHOI LANG TRU XIEN

Cau 45: Cho hinh lang tru ABC.A'B'C" c6 tAt ca cac canh béng a , cac canh bén tao voi day goc 60°.
Tinh thé tich khéi lang tru 4BC.A'B'C'bang

a3 B. 3% c. @V D. &
24 8 8 8
Loi giai
Chon B
A.' - BY

=2

Ké AH' L (ABC)= (A'A,(ABC))= A'AH = 60°.

Xét AAHA': sin 60° = i j{ o A'H = AA'.sin 60° = #
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2 3
Thé tich khéi ling tru ABC.A'B'C':V =S, 0. A'H =2 y & .“f - 3; .

Céu 46: Cho lang tru ABC.A'B'C’ ¢6 day ABC 1a tam giac déu canh bing a, biét A/d=AB=A'C=a
. Tinh thé tich khéi lang tru ABC.A'B'C"'?
3 3 3 3
A3 g.‘“ﬁ. o V3 p. .
4 4 4 4
Loi giai

B
Goi H la trong tAm tam giac ABC . Theo gia thiét ta c6 ABC 1a tam giac déu canh bang a va
A'A=AB=AC=a nén A" ABC lath dién déu canh a = A'H L (ABC) hay A'H 1a duong
cao ctia khdi chop A" ABC .

Xét tam gidc vuong A'HA tacd A'H =~ A'A* — AH* = @
2
3
Dién tich tam gide ABC 1a S, = %a.a.sin 60° =2 ;/_ .
. . V3 a6 a2
Thé tich khéi lang tru ABC.A'B'C' 13 V . yper = — ; “;/_ =2 ;/_.

Ciu 47: Cho hinh lang tru ABC.A'B'C'c6 ddy ABC 1a tam giac vudng céan tai 4, AC = 242, biét g0c
gita AC' va (ABC) bing 60° va AC'=4. Tinh thé tich V' ciia khéi lang try ABC.A'B'C'.

A.V=§ B.V:? C.V=¥ D. 83

Loi giai
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Cau 48:

Cau 49:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A’ '

Goi H 1a hinh chiéu ciia C' 1én mit phang (A4BC), khi d6 C'H 1a duong cao

— AC',(4BC)=C'4H = 60"

Xét tam giac vuong AC'H tacé C'H = C'4.sin60" = 243

Khi d6 V. pe = S,.C'H = %(2\5 ) 2V3=8/3

Cho lang try tam giac ABC.A'B'C"' c¢6 day 1a tam giac déu canh «, goc giita canh bén va mit
ddy bang 30°. Hinh chiéu cta 4' 1én (4BC) la trung diém I ciia BC. Tinh thé tich khdi lang

tru
3 3 3 3
A."‘/g B."‘/E c."‘/g 1).‘“/g
2 12 =3 6
Léi gidi
Chon C

Taco A'I L(ABC)= Al 1ahinh chiéu vudng géc ctia 44" 1én (ABC)

Nen (44',(4BC)) = (44 AT) = 4741 =30'

2
Taco Al =&:> A'I = Al tan30° =£,SAABC =&
2 2 4
R a’N3 a a3\/§
Vay Viscopc = T
4 2 8

Mot khéi lang tru tam giac c6 day la tam giac déu canh bﬁng 3, canh bén béng 2\/§ tao voi mat
phang ddy mot goc 30°. Khi d6 thé tich khéi lang tru 1a:
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

N U c. 273 p. 23
4 = 4 4 4
Loi giai
Chon B
Ar -C'
A /1
C
B

Goi H 1a hinh chiéu ctia 4’ 1én mit day. Suy ra goc A AH =30°

A'H

!

sin30° =

A'H = A'A.sin30° = 2\6.% -3

Khi d6: V e e = 3%?.[ Z%T7'

Cau 50: Cho hinh hop ABCD.A'B'C'D’ cb céc canh bing 2a. Biét BAD=60", AAB= A'AD =120
Tinh thé tich ¥ cta khdi hop ABCD.A'B'C'D'.
A. 424, B. 2V24°. C. 84°. D. V24°.
Loi giai

Chon A

Tir gia thuyét ta c6 cac tam gidc AABD, AA'AD va A'AB 1a cic tam giac déu.

= A'A= A'B = A'D nén hinh chiéu H cta A’ trén mit phang (ABCD) 1a tam dudng tron ngoai
tiép tam giac déu ABD.
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Cau 51:

Cau 52:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2, W3 _283

= AH =—2a.—
3 2 3

= A'H =~ AA> - AH? = éa

2
Thé tich ctia khdi hop ABCD.A'B'C'D': V = AH.S ;. = 2\3/8 2.3 4\/5 =424°.

Cho hinh lang try ABC.A'B'C’ ¢6 day la tam giac déu canh bang 2 . Hinh chiéu vudng goc cua
A’ 1én mat phing (ABC) trung véi trung diém H ciia canh BC . Goc tao bi canh bén 4’4 véi

day bang 45° (hinh v& bén). Tinh thé tich V' ctia khéi lang tru 4BC.A'B'C’ .

A V=

V6
24

Chon D

Thé tich ctia khéi lang try ABC.A'B'C’: v, S po-A'H

BC.A'B'C' —

Ta c6

A'H

tan 45° = T — A'H=AH =3

Vay thé tich khéi lang tra ABC.A'B'C’ bang: V. yyer = S e A'H =33 =3

Cho lang tru tam gidc ABC.A'B'C’ c¢6 day ABC la tam giac déu canh «, hinh chiéu cua A’
xubng (ABC) 1a tam O dudng tron ngoai tiép tam gidc ABC. Biét AA' hop véi day (ABC)

mot goc 60°, thé tich khéi lang tru 1a

3 3 3 3
A.‘“B. B.SGﬁ. C.“*B. D.“‘B.
=y 4 12 36

Loi gidi
Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

aV3 va AOz%AM:T.

Goi M 1a trung diém canh BC.Khi d6 AM =
Do 4’0 L (ABC) tai diém O nén AO 1a hinh chiéu vuéng goc ctia 44" xudng (ABC). Suy

ra goc gitra duong thang 44" va (ABC) 1a goc A40, suy ra A40=60".

Xét AA'AO vuong tai O tacd A'O = AO.tan 60 = g.@ =aq.

NN

4 4

Vay thé tich khéi lang trula V' = 4'0-S, ,. = a-
Cho lang tru tam gidc ABC.A'B'C’ ¢6 day la tam giac déu canh a. D¢ dai canh bén bang 4 4.

Mat phiang (BCC'B’) vudng géc voi day va B'BC =30°. Thé tich khéi chop A.CC'B' la:
a3

Cau 53:
3 3 3
3 3 3
A.‘“/_. B.a\/_. C.“‘/_. D. .
2 12 18 6
Loi gidi
A(
B’ ,’I C,
14
B H - C

Chon D
Ta c6 (BCC'B') L(ABC) (gt).
Ha B'H L BC=B'H 1(ABC) va B'BH = BBC =30°
Suy ra chiéu cao cta lang tru ABC.A'B'C' 1a: h=B'H = BB'.sin30°=2a.
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Cau 54:

Cau 55:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2
Dién tich day 1a S,;, == f .
2 3
Thé tich cta khéi lang tru 13: V,, = S, 1 = ;/_ =4 f
1 a3\/§

Thé tich khdi chép 4.CC'B' 1a: V =§VLT =
Cho lang try tam giac ABC.A'B'C" c6 diy ABC 1a tam gi4c vudng can tai 4, canh AC = 2\/5
. Biét AC' tao véi mat phang (ABC) mot goc 60° va AC'=4. Tinh thé tich ¥ cua khdi da
dién ABCB'C'.

8V3 163
A.V:§ B V:E c.v=22 \/7 Q.V:_f
3 3 3 3
Loi giai
Chon D

23

Phén tich: Tinh thé tich ctia khdi da dién ABCB'C’ bang thé tich khdi cua lang tru ABC.A'B'C’
trir di thé tich ctia khdi chop 4.4'B'C'.

Gia sir dudng cao cua ling tru 1a C'H . Khi d6 goc gitta AC' mit phang (ABC) 1a goc C'AH =60°

C'H

Ta cd: 5in60°=— 7= C'H = 2358, e =45 Vipe pwer = CH.S, g =233 %.(2\5 )2 =83

| | NE) S\f 1643
= = _VABCABC AABC _8\/_ .

_— 4 —_ —_—
VA.A’B’C’ - 3 CH'SAABC - 3 'VABC.A’B'C’ - 3 s VABB’C’C - A'B'C’ 3

Cho lang try tam gidc ABC.A'B'C'co do dai canh bén bang 8a va khoang cach tir diém 4 dén
cac duong thang BB',CC’ lan luot bang 2a va 4a. Biét goc giita hai mit phiang (4BB'A") va
(ACC'A") bang 60°. Tinh thé tich khéi lang tru ABC.4'B'C".

?ﬁa? B. 834", C. 23¢". D. 163,

Loi giai
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Chon D

Goi H, K lan luot 1a hinh chiéu vudng goc cia 4 trén BB',CC'.
Tacod HAL BB', KA1 CC'= A'A L (AHK) do d6 ZAHK =60°.

Khi 46 HK> = AK®> + AH*> —2AK.AH.cos60° =12a> = AK* = HK” + AH". Suy ra tam giac
AHK vudng tai H .

Goi H', K’ lan luot 14 hinh chiéu vuéng goc cia A’ trén BB',CC". Tacod V, s =V pcxur
Khido V,pe ppe =V ik amne = AA'S e = 16\/5‘13 :

Céu 56: Cho hinh ling try ABC.4A'B'C’ ¢6 ddy ABC 1a tam gic déu canh @, hinh chiéu vudng goc ciia
A' trén (ABC) 1a trung diém canh AB, gbc gira duong thing 4'C va mit phang ddy bang 60°
. Thé tich khdi ling tru ABC.4'B'C’ bang

3 3 3 3
A. V2a . B. V3a . C. 33a . D. 3W3a .
4 4 8 4
Léi gidi
Chon C

Goi H 1a hinh chiéu vuéng goc ctia 4’ trén mit phang (ABC )
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Cau 57:

Cau 58:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Tacd: AH L (ABC) = HC 14 hinh chiéu vudng goc ctia 4'C 1én mit phang (ABC) .
= (4'C,(4BC))=(A'C,HC)= A'CH = 60"

:a\/§

2

CH

Xét tam gidc vuong A'HC , ta cd: A'H = CH.tan60° =

a\/g \/—_3a azx/§
2 2 '

o SABC = 4

a2\/§ 3_a 3\/§a3

4 2 8

Vay thé tich ctia khéi lang tru ABC.A'B'C' 1a: V e yper =S g A'H =

Cho lang tru ABC.4,B,C, ¢6 dién tich mit bén (ABB 4,) bang 4, khoang cach giita canh CC,
dén mit phang (ABB A,) bang 6. Tinh thé tich khéi lang tru ABC.4,B,C,.

A 12. B. 18. C. 24. D. 9.
Loi giai
Chon A
A
C
B
A Ci
B

Ta co: Ve gy, = %d (C.(ABBA,)).S 5., = %.4.6 =8 (dvtt)

1 2

VC.ABBIAI = VABC.AIBICI _VC.ClBlAl = VABC.A,BICI _g ABC.ABC, — EVABC.AIBICI

3 3

= VABC.AIB,CI = E'VC.ABB]AI = 5-8 =12 (dvtt)

Cho khéi lang try ABC.A'B'C’,tam giac A'BC c6 dién tich bang 1 va khoang cach tir 4 dén mit
phang (A4'BC) bang 2. Thé tich khdi lang tru da cho bang
A. 6. B. 3. C.2. D. 1.

Loi giai

Chon C
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A, C

Goi H 1a hinh chiéu vudng goc ciia 4’ trén mp (ABC) suyra A'H la chiéu cao cua lang tru.

Xét khdi chop 4.4'BC c6 dién tich day B=S,,. =1, chiéu cao h=d(A4,(4'BC))=2 suyra
thé

tich ctia khdi chép A.A'BC 1AV, .0 = %Bh = % 1.2= %
Ve =V e =S ATH =2 2
Mit khac | #4P¢ CAABC 3R 3=V e swe =3V vne = 3.5 =2.

Viscane =Sapc - AH
* Cach khac.
Ta thiy lang truy ABC.A'B'C' duogc chia thanh ba khdi chép c6 thé thich bang nhau 13

A'".ABC, A".BCB', A" B'C'C.

. 1 2 2
MaV, sc=V, s :EBh = 1.2:5 suyra Vo ypc =3V, 4 :35:2.

1
3
Mot khéi lang try tam gidc c6 day la tam giac déu canh 3, canh bén béng 2\/5 va tao vo1 mat
phang day mot goc 60°. Khi d6 thé tich khdi lang tru 1a?

A2 g 3 c. 23 .2
4 4 =~ 4 4
Loi giai
Chon C
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A/ c’

BF

B

Goi H 1a hinh chiéu vudng goc ctia C' xudng mp(ABC), khi d6 goc hop béi CC’ va

mp(ABC) 1a C'CH . Theo d& bai: C'CH = 60° :>C’H:C’C.sin60°:2\/§.§:3.

Lai c6 AABC déu canh bang 3 nén S . zéﬁz :¥.
2
D0 d6 Ve, gy =S e C'H = 9f 3= 7f .Chen C

Céiu 60: Cho lang tru ABC.A'B'C' c¢6 day ABC 1a tam giac vudng tai B, dudng cao BH . Biét
A'H 1 (ABC) va AB=1,4C =2,44'=~2 . Thé tich cua khéi ling tru da cho bing

A2 B Y ¢ 21 p. V7.
12 4 - 4 4
Loi gidi
A o
Bn’
A C
B

Tam giac ABC vudngtai B c6 AB=1;A4C =2 nén BC =~/2° -1 =\3.

AB.B 1
D¢ dai ctia duong cao BH : BH = Acczg.SuyraAHzgzx/—zz.

Khi d6 d6 dai duong cao A'H ciia hinh lang tru bang : A'H =~ AA” - AH* = ‘/2—% =g.

llﬁﬂ:@
2 2 4

. . . 1
Thé tich khoi lang tru da cho bang : V' = EAB.BC.A 'H=
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Cau 61: Cho hinh ling try 4BC.4A'B'C' ¢6 day la tam giac déu canh «, goc giita canh bén va mit phang
d4y bang 30°. Hinh chiéu cia 4" xudng (4BC) la trung diém BC. Tinh thé tich khéi lang tru

ABCA'B'C".
3 3 3 3
AL B. = c. 4B p, 3
=8 8 24 4

Lo gidi
Chon A

Goi H latrung diém BC suyra A'H J_(ABC)

Tacé (A'A,(ABC))=(A'4, AH)= A" AH = 30"

Taco AH ="

2

3
4

Tacé A'H = AH.tan30° =< va S, =
2

Vay V=A'HS ,. =

a*\3
8

Cau 62: Cho hinh lang tru ABCD.A'B'C'D' c6 day ABCD la hinh thoi canh a, ABC = 60° . Chan dudng
cao ha tir B' trung v6i tim O clia ddy ABCD; gbc gitta mit phang (BB'C'C) véi day bang 60°

. Thé tich lang tru bang:
3 3 3 3
A. 3d°\3 B. 24°\3 C. 3a°\2 D.3L
8 9 8 4
Loi gidi
Chon D
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

B’ C’

) C

ABCD 1a hinh thoi nén 4B = BC . Lai c6 ABC =60° nén AABC 1a tam giac déu. OH 1 BC.
Goc giita mit phing (BB'C'C) véi déy khi d6 1a B'HO = 60°.

3
Taco Lo L, 1 _ L 1 4 4 16 o a3
OH” OB” 0OC° 3a” a 3a° a 3a 4
4 4

Theo gia thiét, B'O 1a dudng cao ling tru 4BCD.A'B'C'D’ .

B'O= OH.tanB/'H\ozﬁtanmo _3a
4 4
4 _s, po@N3 30 303
ABCD.A'B'C'D' day * 2 * 4 8

Cho ling tru ABC.A'B'C' ¢ day 1a tam giac déu canh a, hinh chiéu vudng goc ciia diém A’ 1én

mit phang (ABC ) tring voi trong tim tam giac ABC. Biét khoang cach giita hai duong thing

A4 va BC bing #. Tinh theo « thé tich cta khi lang tru da cho.

A as\/g B as\/g C a3\/§ D a3\/§
) 3 ) 24 ’ 6 = 12
Loi giai
Chon D
A’ 7cr
2R \‘\HBT///
A : S/
SN ;S
,x/ P S/
/ A4
A gz TN
‘““-\ j‘//
B
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Ké MH 1 AA' tai H, suy ra MH 1a doan vudng goc chung cua giita hai duong thang 44> va
BC

Tam gidc MHA vudng tai Hcoé AH =~NAM* — AH* = %a

Tam gife A'GA déng dang tam gide MHAnén 0= 94— 4y MIGA_a
MH ~ HA HA 3
3
Thé tich khéi lang tru 1a V' = S poA'G = alf

Cho hinh ling tru ABC.A'B'C’ ¢6 AA' =2a,tam gisc ABC vudng tai C vi BAC = 60°, gbc
gilta canh bén BB’ va mat day (ABC ) bang 60°. Hinh chiéu vuéng goc cia B’ 1én mit phing
(ABC ) trung v4i trong tim ctia tam gidc ABC . Thé tich ctia khéi tr dién 4’.ABC theo a bang

3 3 3 3
9a B.3i C 9a 5 27a

" 208" 26 ° = 26" " 208 "
Loi giai

Ta co

B_ i

B'G = BB’sin60° = 2a.7 =a

BG:BB’coséo":za%:a:»BI:%BG:%“

bat AC=2x (x> O) = CI = x;BC = AC.tan60° = 2X\/§.

Khi do

2 2
x? +(2x\/§)2 = [3761] S x= 3a\/B ! ! 2.3a2\éﬁ 2. 3a2\é§ \/5 = 9a2g/§.

=S8 .. =—ACBC=—.
26 ) 2
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Cau 66:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2 3
S L EPN

Véy VA’.ABC 26

Cho lang try tam giac ABC.A'B'C' ¢b ddy ABC la tam giac déu canh « . Hinh chiéu cua diém
A" trén mit phang (A4BC) tring vao trong tim G cuia tam gidc ABC . Biét tam gidc A'BB' ¢6

2a2\/§

3

6a3\/§ 3a3\/7 3a3x/§ 3a3\/§

B. C. D.
7 - 8 8 8

Loi giai

dién tich bang . Tinh thé tich khéi lang truy ABC.4'B'C".

A.

Chon B

= AB L(A'CM)= AB L A'M
AB L A'M

2
2a3x/§ o A'M = 4613\/§

Nén S, = %A'M.AB =

Do AABC déu canh béng a nén GM = %CM = %

av21

+ Trong AA'GM vudngtai G tacd A'G=+A'M* -GM* = 5

a\/i a2\/§_3a3\/7
2 B

Vay Ve vpe = A'G.dt(AABC) = : <

Cho hinh ling tru ABC.A'B'C’ ¢6 day ABC la tam gidc vudng can tai B va AC =2a. Hinh
chiéu vudng goc ciia A’ trén mit phang (ABC ) 1a trung diém H cua canh 4B va AA' = a2
. Tinh thé tich V ctia khdi lang tru di cho.

3 3
‘“@. B.V:‘“@.

> B ) C. V=22, D.V=d'\3.

AV =

Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Chon B

A 84

BI

Tam giac ABC vudng cantai B canh AC = 2a nén suy ra AB = a2, cé dién tich day
R 25
SAABC_EAB —E(a\/z) =da .

H 1a hinh chiéu vuéng goc cia A’ trén mit phang (ABC ) nén A’H 1a chiéu cao cia khoi

lang try. Thé tich1a V = A'H.S, 5.

2
H 1a trung diém ctia canh AB = AH = a\2/§ = A'H =+ AA"” — AH* = 2a2—2%: a;/g.

Suyra V=A"'HS, ;- =

a6 . _a’\6
—

T2
Cho lang try ABC.A'B'C"' c6 day la tam giac déu canh 2a, canh bén AA’' = 2a. Hinh chiéu
vuodng goc cia A’ 1én mit phing (ABC ) 1a trung diém BC. Thé tich cua khdi ling tru di cho 1a

A. 3. B. 24°3. C.34°V2. D. 24’6 .
Loi gidi

Chon A

2a

2a

Goi H 1a hinh chiéu ciia A4' trén mat phang (ABC ) ,suyra A 1atrung diém cua BC.
Tam gidc ABC déu canh 2a, suy ra AH = a3.

Duong cao hinh ling tru: h=A'H =+4a’ —3a” =a
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Cau 69:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Vay thé tich lang tru: ¥V =S, ,..h = %AH.BC.A '"H = %aﬁ 2aa=a’\3.

Cho hinh ling try ABC.A'B'C' c¢6 ddy ABC 1a tam giac déu canh a, A4’ = 3761. Biét rang hinh

chiéu vudng géc cta diém 4’ 1én mit phang (ABC) 1a trung diém cua canh BC. Tinh thé tich

v cia khi lang tru d6 theo a.

3 3
A.V:as\/g. B.y 2% C =% D.V=d.
2 3 42
Loi giai
Chon C
Al
B/
A
B
N
M
C

Goi M 1a trung diém cua BC .

o o

Theo baira ABC 1a tam giac déu canh a nén: AM :T; S sc = 2

Hinh chiéu vudng géc ciia diém 4’ 1én mit phang (ABC ) 1a trung diém M ciia canh BC nén

c6: A'M 1 (ABC); AM L BC.

2 2
Xét tam gidc A'MA vudng tai M : A'M =~ AA” — AM* \/(3761) _[&J - a6 _

2 2

a 6612\/5_3613
2 4 42

Cho hinh lang try ABC.A'B'C" c6 day la tam giac vudng can dinh 4, AB=a, AA'=2a, hinh

Thé tich cia khdi lang tru ABC.A'B'C' 1a: V e ype = AM.S 5 =

chiéu vudng géc ciia A’ 1én mit phiang (A4BC) la trung diém H ciia canh BC. Thé tich cua khoi
lang try ABC.A'B'C’ bang

3 3 3 3
A.am. B.“m. C.“ﬁ. D.a\g.
2 = 4 4 2
Loi giai
Chon B
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1 2
Tam giac ABC vudng can tai A=> BC =a~/2; AH = ~BC= “\ZF.
A'H 1(4ABC)= A'H L AH
2
Trong tam gidc AA'H vudngtai H tacod: A'H =\ AA” — AH* = ,|4a’ —2% = a@.
) , 14 1 a4
Vay VABC.A’B'CV :AH‘SABC :CIT.E.CLCI: 4 .

Céau 70: Cho langtru ABC.A'B'C’ c6 ddy ABC 1a tam giac déu canh a, d6 dai canh bén bang 2?“ hinh

chiéu ctia dinh 4’ trén miat phang (ABC ) tring voi trong tim cua tam giac ABC . Thé tich khdi
lang tru ABC.A'B'C’ bang:

3 3 3 3
A.‘“/g. B.‘“/g. C.‘“/g. D.“ﬁ.
36 6 = 12 24
Loi giai
Chon C
2a/3,
A ()

a 1

B

Goi G la trong tdm cua tam gidc ABC . Ta co:

2 2 2
AG =§AI = “33; AG = AL~ AG =(2?“j —Lﬁ] =4 S 46 =%.
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Cau 71:

Cau 72:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2 3
yopp-Ba_ a3
4 3 12
Cho hinh ling truy 4BC.4'B'C" cb day ABC latam giac déu canh a, AA'= 3761. Biét rang hinh
chiéu vudng goc cia A' 1én (ABC) 1a trung diém BC. Thé tich ctia khéi lang tru ABC.4'B'C'
la
3 3 3 3
A.““/E. 3.36"‘5. C.“'*/g. D. 2%
8 8 2 3
Loi giai
Chon B
. 4 . ; 3 N3
Goi H latrung diém BC, vitam gidc ABC déunéntaco AH = % =S e = %.
Theo dé&: A'H L (ABC)= A'H L AH . Trong tam giéc vudng A'AH c6
2 2
AH A A = [0 3 a3
4 4 2
3 a3 342
Suyra V.. .pc=Bh= . = .
Y ABC.A'B'C 4 \/E 3
Cho hinh lang tru ABC.4A'B'C" ¢6 day 1a tam giac déu canh bang a ., hinh chiéu vudng goc cua

A" 1én mit phing (ABC) triung voi trong tAm G cua tam giac ABC . Biét khoang cach giira

BC vi AA' bing #. Thé tich khéi chop B'.ABC bing:

3 3 3 3
A.“‘/g. B.“‘/g. C.“\/g. D.“‘/g.
= 36 9 18 12

Loi gidi
Chon A
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Goi M 1a trung diém cua BC, MH | AA' tai H .
Taco BC L (44'M)= BC L HM .Do d6 HM =d(AA',BC).

AM_i 4G =B i =M _ L gy e
3 AM 2
2
A'G=AG.tan30° =2, S, =L ampc="2 3
3 2 4

1 a3\/§

VB ABC — 3 - A'G. SABC 36

Cau 73: Cho ling try ABCD.A'B'C'D' ¢b ddy ACBD 1 hinh thoi canh a, biét 4'.4ABC 13 hinh chép
déu va A'D hop véi mit day mot goc 45°. Thé tich khdi lang tru ABCD.A'B'C'D' 1a :

3 6 3
A & B."‘/_. C. 3. D.“‘/g.
12 3
Loi giai
D’ A
/\ &
C’ \ /// ]
/
AN
/A
v/, !
A,
/D/” — = 1T .24
/s <0g I\ """""
. g
c B
Taco (A'D,(ABCD))=A'DG =45°.
2
Ta giac ABC déu canh @ nén BG —i DB=a\3, DG=2BG = a;/g .
: : , 2a~/3
Tam giac A'DG vudng cantai G nén A'G=DG = a;/_ .

:—aa\/_ 2a\/_ =a’.

VABCD.A’B’C’D’ =S ABCD
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Cau 75:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Cho hinh ling tru 4BC.A'B'C’ ¢6 day la tam giac déu canh « . Hinh chiéu vudng goc cua diém
A’ 1én mit phang (ABC) tring véi trong tim tam gidc ABC . Biét khoang céch giita hai duong

. 3 ; ‘.
AA' va BCbang %. Tinh thé tich 7 cua khoi lang tru ABC.A'B'C’.

a*\3 a3 a’\f3 a3

A.V: . B.V: . C.V: . D.V:

6 24 = 12 3
Loi giai

Goi G 1a trong tim tam gidc ABC. Vi A'G L (ABC) va tam gidc ABC déunén A'ABC la

a3

hinh chép déu. Ké EF L AA' va BC L (AA'E) nén d(AA',BC) = EF = —, - Dat AG=h

2
Tach A'A= /h%[%} .

Tam giac A'AG ddng dang voi tam gidc EAF nén

2
AA_AG_AG | vopye garp eon®3 2 [ [aB3) a3 L, _a
EA FA FE 2 3 4 3
2 3
Thé tich V' cuia khéi lang tru ABC.A'B'C' 1a V = AG.S ;. =%-a f = a1\2/5_

Cho hinh lang tru ABC.A'B'C’ ¢6 day 1 tam giac déu canh a. Hinh chiéu vudng goc cua diém
A’ 1én mit phang (ABC ) tring voi trong tim tam giac ABC . Biét khoang cach giita hai duong

thang 44’ va BC bang %. Tinh thé tich ¥ cta khdi ling tru ABC.A'B'C'.

3 3 3 3
A.V=a‘/§. B.V=“‘/§. C.V=‘“/§. D.V=‘“/§.
6 3 24 = 12

Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

'

Goi M 1a trung diém cua BC.Vé MH 1 AA' (H € BC).

Taco AM L BC, A'G L BC = BC L (A'AG)= BC L MH =>d(A4A',BC)=MH .

2 2
AH =\ AM? —MH? = %—ﬂ 3a.

16 4

a3 a\/g
TaCO@:AG:tan@:A’G:MH'AG= 4 3 -4
AH  AG AH 3a 3
4
Clz\/g a a3\/§
Vay V=S,..4G = —= )
" e 4 '3 12

Cho ling tru ABCD.A'B'C'D' c6 ddy ABCD 14 hinh thoi canh a, tim O va ABC =120°. Géc

giita canh bén 44’ va mit day bang 60°. Pinh A4’ cach déu cac diém 4, B, D. Tinh theo a

thé tich ¥ ciia khi lang tru da cho.

Ay B =@V . y-23
2 6 - 2
Loi giai

D. V=a3\/§.
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Ta c6 tam giac ABD cantai A va BAD = 60° nén ABD la tam giac déu.

Goi H 1a trong tAm tam giac ABD. Vi A' cachdéu 4, B, D nén A'H 1a tryc duong tron
ngoai tiép tam gidc ABD.Do d6 A'H L (ABD).

Suy ra goc gitta A'4 va day (ABCD) la goc AAH = 60°.

Tacé AH=2A40=" Dodé A'H = AH.tan60° =2
3 2 2
2 2
. 3 3
Ngodi ra Sy =28 5 = 2.2 ;/— _¢ 2*/_ .

2 3
Thé tich khéi lang try ABCD.A'B'C'D' 14V =S .. A'H = = f %a L gﬁ :

Cho hinh lang tru ABC.A'B'C" ¢6 ddy ABC la tam giac vuong tai 4, AB=a, AC= a3
Hinh chiéu vudng goc cua dinh A’ 1én (ABC ) trung voi tim ctia dudng tron ngoai tiép clia tam

gidc ABC . Trén canh AC lay diém M sao cho CM =2MA . Biét khoang cach giita hai duong

thing A'M va BC béng % Tinh thé tich ¥ cta khéi lang tru di cho.

3 3 3
A.V:“*/g. B.V=a. c.y=>% D.V:z‘“/g.
2 2 3
Loi gidi
B,
T
[ P H
N
K
. *C
4 M

Ké MN//BC, Ne AB. HK L MN , HI 1 AK .

d(A'M;BC)=d(BC;(AMN))=d(H;(AMN))=HI = HI = % .

Ké AT // HK , ATﬁMN:P:HK:PngAT
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Tam gidac ABC vudngtai 4 = 12: 12+ 12: 42:>HK:£AT:
AT~ AB° AC° 3a 3

ik

1 1 1 4 3 1

Tam giac A'HK vuédng tai H = = - - =
g g A0’ HI? HK:® & & a
613\/5

2

: , 1
Vay thé tich khéi lang tru dd cho 1a: V = A'H.S . = a.E.a.a\/g =
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN
@ HE THONG BAI TAP TRAC NGHIEM.

Ti SO THE TiCH
PHUONG PHAP CHUNG

1. K§ thuét chuyén dinh

A. Song song day
Vi = Vi P

B. Cit day

Vi _ Giaoci 1A
v

'« Glaomoi  IB

2. K¥ thuét chuyén day (dwong cao khong doi)
Vo Sedsmar
-Pé k¥ thuat chuyén day duoc thuan loi, ta nén chon hai day c6 cung cong thirc tinh dién
tich, khi d6 ta s& dé dang so sanh ti s6 hon.
- Ca hai k¥ thuat déu nhim muc dich chuyén da dién ban dau vé da dién khac dé tinh thé tich
hon.

3. Ti so dién tich cua hai tam giac

Siouy _ OM.ON

Sure OP.OQ
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4. Ti s6 thé tich cia khdi chép
A. Cong thikc ti s6 thé tich ciia hinh chép tam giac

Ve SA SB'SC

Cong thtre trén chi 4p dung cho hinh chop tam giéc,

do d6 trong nhiéu trudng hop ta can hoat phan chia hinh chép di cho thanh nhiéu hinh chop
tam giac khac nhau roi méi ap dung.

B. Mt s6 trwong hop dic biét

Néu (ABC,D,)Il(ABCD) va 34 _ 5B, _ 56, _ 5D,
SA sB_SC SD

g
1 1}> B,
€

A
D

Két qua van diing trong trudng hop day 1a n — giac.

— & thi ‘/S.AIBICID] e
S.ABCD

5. Ti s6 thé tich ctia khéi ling tru

A. Lang tru tam giac
Goi V 1a thé tich khbi lang try, V( 2 1a thé tich khéi chop tao thanh tir 4 trong 6 dinh cia ling

try,

V( 5 1a thé tich khéi chop tao thanh tir 5 trong 6 dinh cia lang try. Khi do:
Y = %

Vi = %V
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B. Miit phing cit cac canh bén ciia ling tru tam gic
GoiV,,V,vaV 1an luot 1a thé tich phﬁn trén, phﬁn dudi va lang try. Gia su
AM CN BP

:m’ :n, :p

AA" U CcC' BB

Khi do: v, =215 P y
Khi M= A N=C thi 24 _1 N _
AATCC

6. Khdi hop

Cau 1:

Cau 2:

A. Ti s6 thé tich ciia khdi hop
Goi V 1a thé tich khdi hop, V,

@ 1a thé tich khéi chop tao thanh tir 4 trong 8 dinh cta khdi hop.
Khi do:

V( 8 (hai dudng chéo ciia hai mit phing song song) =%

. oV
V( " (truong hop con lai) :g

Vidu: V -,V

AC'BD — 37" acDD =

v v
6

B. Mit phing cit cic canh ciia hinh hgp (chi quan tim téi hai canh d6i nhau)
DM

—=X

' +
DD :>V2=x y.V
BP _ 2
BB' Y

A.12. B. 2. C. 8. D. 3.
Cho tr dién MNPQ . Goi I; J; K 1an luot 14 trung diém cta cac canh MN ; MP; M@ . Tisb

. V .
thé tich X bang
MNPQ

1 1 1 1
A. — B. — C. - D. —
3 4 6 8
Cho hinh chép S.ABCD. Goi A’, B, C', D' theo thu tu la trung diém cua SA, SB, SC, SD.
Tinh ti s6 thé tich cua hai khdi chop S.A’B'C'D’ va S.ABCD.
AL B. 1 c 1 D. 2
16 4 8 2

Page 77



Cau 4:

Caiu 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.ABC. Goi M ,N, P theo tht ty 13 trung diém cia S4,SB,SC . Tinh ti s6
thé tich ctia 2 khdi chop S.MNP va S.ABC bang

1 1 1 1
A. —. B. —. C. —. D. —.

4 8 16 2
Cho khdi chop S.ABC c6 thé tich V. Goi B',C’ 1an luot 13 trung diém cia 4B, AC . Tinh theo
V' thé tich khdi chop S.4B'C’.
Ay B Ly Ly b1y

3 2 12 4
Cho hinh chép S.ABCD, goi I, J,K,H lan luot 1a trung diém cac canh S4,SB,SC,SD.
Tinh thé tich khéi chop S.ABCD biét thé tich khéi chép S.IJKH bang 1.
A. 16. B. 8. C.2. D. 4.

Cho hinh chép S-ABC, trén cac tia SA,SB ,SC lan lugt léy cac diém A', B', c' Go1 V,, V,
1an luot 1a thé tich khéi chop S-ABC va S.4'B'C' Khing dinh nao sau day 1a ding?

A V54 SBT SC B. Yi_1 5B 5C
vV, SA' SB SC' vV, 2 SB'SC'
c./i_54 5B p. /i_54 SB SC

vV, SA' SB' vV, SA'SB'SC'

Cho khéi chop SABC c6 thé tich béng 5a°. Trén c4c canh SB, SC lan luot léy cac diém M va
N sao cho SM =3MB, SN =4NC (tham khio hinh v&). Tinh thé tich ¥ cua khdi chop
AMNCB .

A.V=%a3. B.V:%cf. C.V=ad'. D. V =2ad".

Néu mot hinh chép tir gidc déu cé chiéu cao va canh ddy cling ting 1én 2 14n thi thé tich ciia n6
tang 1én bao nhiéu lan?
A. 2 lan. B. 4 lan. C. 6 lan. D. 8 lan.

Trén ba canh 04, OB, OC cua khdi chép 0.4BC lan luot léy cac diém A',B’,C' sao cho
204' =04, 40B'=0B va 30C' = OC. Ti sb thé tich giita hai khdi chop 0.4'B'C’ va 0.4BC la
L B. . c. L. p. L.
12 24 32 16

, , ., V .
Cho khoi chop SAB.C, M 1a trung diém cta SA4. Ti s6 thé tich L4 bang
S.ABC

AL B. L. C.2. p. L.

4 2 8
Cho khdi t&r dién ABCD c¢6 thé tich V' va diém E trén canh 4B sao cho AE =3EB. Tinh thé
tich khdi t& dién EBCD theo V.

14 14

A =, B. —. C.
4 3

D

N

v
5

Cho khdi chop S.ABCD c6 thé tich ¥ . Cac diém A', B', C' tuong ng 13 trung diém cac canh
SA, SB, SC . Thé tich khbi chop S.4'B'C’ bang
AL B. L. c. %

p. L.
8 4 16
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Caiu 22:

Cau 23:

Cau 24:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho ttr dién déu ABCD c¢6 canh a. Trén cac canh AB, AC lan luot léy cac diém B'.C' sao

cho AB'= %,AC‘ - %a . Ti s6 thé tich cta khéi tr dién AB'C'D va khéi t dién ABCD 1a

AL B L c.l p. L

2 3 4 5
Cho khbi lang tru ABC.A'B'C" c6 thé tich bang V . Tinh thé tich khbi da dién BAA'C'C.
AL B. 2. c.t. . L.

4 3 2 4

Cho lang tru ABC.A'B'C', M la trung diém CC’. Mit phing (ABM ) chia khoi lang tru thanh
hai khéi da dién. Goi ¥; 1a thé tich khéi ling tru chtra dinh C va ¥, 14 thé tich khdi da dién con

ey e 2 W
lai. Tinh ti sO —-.
2

A. B.l. C.l D.z
6 2 5

| —

Khdi lang try ABC.A'B'C’ ¢6 thé tich bang 6 . Mit phang (A'BC") chia khéi lang try thanh mot
khéi chop tam gidc va mot khdi chop tir gidc 6 thé tich 1an lugt 14

A. 2 va4. B. 3 va 3. C.4val. D.1vas.

Cho khbi lang tru tam giac ABC.A'B'C’ c6 thé tich V. Goi M 1a trung diém cia canh CC’.
Mit phang (MAB) chia khdi lang try thanh hai phan ¢6 ti s6 & <1. Tim & ?

A2 B. 2. c. L. D. L.
5 5 5 6
Mot khéi lang tru tir gidc déu co thé tich 1a 4. Néu gip d6i cac canh day dong thoi giam chiéu
cao cua khéi ling tru nay hai lan thi dugc khéi lang tru méi c6 thé tich 1a:
A. 8. B. 4. C. 16. D. 2.

Biét khdi hop ABCD.A'B'C'D' ¢6 thé tich ¥ . Néu ting mdi canh cta hinh hop d6 1én gip hai
lan thi thé tich khéi hop méi 1a:
A. 8V B. 41 . C.2V. D. 16V .

Cho hinh lang try dimg ABC.A'B'C’ ¢6 M latrung diém cua AA'. Ti s6 thé tich Hosane bang
ABC.A'B'C'
AL B. L. c. - . L.
6 3 12 2
Cho lang try tam gidc ABC.A'B'C’ c¢6 thétich1a ¥ . Goi M 1a trung diém canh A4’ . Khi d6 thé
tich khdi chop M.BCC'B' 1a
AL B. 2. c.r
2 3 3

p. L.
6

Cho lang tru ABC.A'B'C'. Biét dién tich mat bén (ABB'A’) bang 15, khoang cach tir diém C
dén (ABB'A’) bing 6. Tinh thé tich khéi lang tru ABC.A'B'C’.

A. 30. B. 45. C. 60. D. 90.
Cho khéi lang try ABC.A'B'C' ¢6 thé tich bang V' . Tinh thé tich khéi da dién ABCB'C' .
AL B. L. c.’. p. 2.

4 2 4 3
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Cho hinh hop ABCD.A'B'C'D' ¢6 I 1a giao diém cia AC va BD. Goi V, va V, lan luot la
hé tich ciia cc khéi ABCD.A'B'C'D' va I.4'B'C". Tinh ti s6 -,

3

v 174
A.5=6 B.5=2 C. Lt==. D. 1=3.
v, v, v, 2 Vv,

Cho tir dién ABCD cé thé tich V' v6i M, N 1an luot 13 trung diém 4B, CD . Goi V}, V, 1an luot

14 thé tich cia MNBC va MNDA . Tinh ti 16 %

Al B. L. c. L. D. 2.
2 3 3
Cho hinh chép S.4BCD c6 day 1a hinh binh hanh. Goi M va N 1a trung diém céac canh S4,SC,
: , V. :
mit phang (BMN) cit canh SDtai P . Tisé6 =2 bang :
SABCD
A. VSBMPN :L. B. VSBMPN — l . C. VSBMPN :L. D. VSBMPN :l.
VSABCD 1 6 VSABCD 6 VSABCD 1 2 VSABCD 8
Cho tr dién ABCD . Goi B',C’ lan luot 1a trung diém caa AB va CD . Khi d6 ty s6 thé tich cua

khéi da dién AB'C'D va khbi tir dién ABCD bang

AL B. L. C.

1 D
2 P! 6

1
S
Cho hinh chép S.4BCD day 1a hinh binh hanh. Goi M, N lan lugt 14 trung diém cia S4,SC.

Mit phang (BMN) cit SD tai P . Tisb Vs muen. bang:

S.ABCD

A. Vs supn :L. B. Vs sy :l. C. Vs sy :L. D. Vs supy __

VS ABCD 1 6 VS ABCD 6 VS ABCD 1 2 VS ABCD 8

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi K, M lan luot 1a trung diém cua
cac doan thing SA, SB, («) la mit phiang qua K song song voi AC va AM . Mit phing

(e) chia khdi chop S.ABCD thanh hai khdi da dién. Goi V] 1a thé tich ciia khdi da dién chira

, . A
dinh S va V) 1a thé tich khdi da dién con lai. Tinh ti s6 71
2
N A 1 bl
v, 25 v, 11 v, 17 v, 23

Cho hinh chép tir gidc déu S.4ABCD. Mit phing (P) qua A va vudng goc voi SC cit

SB, SC, SD lan lugt tai B’, C’, D'. Biét C' 1a trung diém ciia SC . Goi V),V 1an luot 1a thé tich

, v
hai khéi chop S.4AB'C'D’ va S.ABCD . Tinh ty s6 71

2
=—. B.

2
2 V. 4 v,
A L= ==, C.—L=-. D. L=-.
3 9 v, 9 v,

=
=
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Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.4ABCD . Goi 4’, B’, ¢’, D’ theo thir ty 14 trung diém cua S4,SB, SC,SD . Tinh
ti s6 thé tich cua hai khdi chop S.4'B'C'D’ va S.ABCD .
AL B. L. c. 1. p. L.

16 4 8 2

Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh, trén canh SA4 liy diém M va dit

SM _ . Giatri » dé mit phing (MBC) chia khdi chop di cho thanh hai phan co thé tich bing

54

nhau la:

A x=Lt B.xzﬁ. C.xzﬁ. D.xzﬁ.
2 2 3 3

Cho hinh chép S.4BCD ¢6 day ABCD 14 hinh binh hanh. Goi M , N lan luot 14 trung diém cua
cac canh AB, BC.Piém [ thudc doan S4. Biét mit phing (MNI ) chia khéi chop S.4ABCD
thanh hai phan, phan chta dinh .S c¢6 thé tich bang % 1an phan con lai. Tinh ti s6 & = %?

A B. 2. C p. 3.
3 4

1 1
= =
Cho hinh chop S.ABC c6 SA=6,5B=2,5C =4, 4B = 23/10,SBC =90°, ASC =120°. Mt phing
(P) di qua B va trung diém N cia SC ddng thoi vudng goc voi (SAC ) cit SA tai M. Tinh ti s6

, V.
the tich k =22
S.4BC

A.k:%. B.i-Ll. C.r=L. D.i-2.

4 6 9
Cho t&r dién ABCD, trén cac canh BC,BD, AC lan luot 1y cac diém Ar, N, Psao cho
BC=3BM, BD = % BN, AC = 2AP. Mit phang (MNP)chia khéi tir dién ABCD thanh hai khéi

da dién c6 thé tich 1a V},V,, trong d6 khdi da dién chtra canh CD c¢6 thé tich 1a V. Tinh ti s6
4
-

N A Y b h3

v, 19 v, 13 v, 19 v, 19

Cho ttr dién ABCD . Xét diém M trén canh AB, diém N trén canh BC , diém P trén canh CD
MB NB  PC 3

sao cho =3,—=4,—==_Goi V},V} theo th ty 14 thé tich cac khéi tir diéen MNBD
MA NC "PD 2

va NPAC . Ti s6 % bang

2

A. 3. B. 5. C.

| =
o | —
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Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho khdi chép S.ABCD c6 day 14 hinh binh hanh. Goi M, N 1a hai diém nam trén hai canh SC,

. C V m
SD sao cho ‘;—Ag = 1 SN =2, biét G la trong tdm tam giac S4B . Ti so the tich CMND. = — ',

b

2 ND S.ABCD

n 1a cac s6 nguyén duong va (m, n) =1. Gi4 tri cia m+n bang:

A. 17 B. 19 C.21 D.7

Cho hinh chép S.4BCD c6 day la hinh binh hanh. Goi M, N lan luot 1a trung diém cia S4, SB
. Mt phiang (MNCD) chia hinh chop da cho thanh hai phin. Ti s4 thé tich hai phan 1a (sb bé
chia s0 16n)

A 3. B. 2. C p. &
5 4 5

1
‘3
Cho hinh chép S.ABCD . Goi M , N, P, Q theo thu tu 1a trung diém cua S4, SB, SC, SD.

‘ : , Vo
Goi V;, V, 1an luot 1a thé tich cua hai khdi chop S.MNPO va S.ABCD . Tisd 71 bang
2

A, —. B D

1 C
16 8

1 1
2 4

Cho hinh chép S.ABC | Mva N 1a cac diém thudc cic canh S4 va SB sao cho MA=25M
SN =2NB | (a ) 1a mit phing qua MN va song song voi SC Mzt phing (05 ) chia khéi chop
S.ABC thanh hai khéi da dién (H,) va (H,) véi (H,) 1a khéi da dién chia diém S, (H,) la
, 7 ‘ 7 A
khdi da dién chira diém A4 . Goi V] va V, 1an luot 14 thé tich cua (H, ) va (H,). Tinh ti s6 71
2

A.

VRN

B. 2. C. p. 2.
4 3

AW

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi canh ., BAD =60° va S4 vuong goc véi
mit phing (ABCD). Goc giira hai mat phang (SBD) va (ABCD) bang 45°. Goi M 1a diém

d6i xing cia C qua B va N la trung diém cia SC . Mit phang (MND) chia khéi chop
S.ABCD thanh hai khdi da dién, trong d6 khdi da dién chtra dinh § c6 thé tich V], khdi da dién

con lai ¢6 thé tich V, (tham khao hinh v& bén).

e
Tinh ti sO0 —.
v,
ANt g Vs A b M7
.Vz - .V2 3 ‘Vz 5 .Vz 5
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Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.4BCD c6 ddy ABCD la hinh chit nhat. Mt phing () di qua 4, B va trung
diém M cia SC. Mit phing (&) chia khoi chop da cho thanh hai phan cé thé tich lan luot 1a

V., V, voi V, <V,. Tinh ;

2

A.

C.

D.

=2 B oL -L =3,
5 3 4 8

N
=
S

N

Cho tir dién déu ABCD canh d. Mit phiang (P) chira canh BC cit canh 4D tai E . Biét goc
o~ . - < \ ;A \ 5 ~ 5\/5 . R or ) .
gitra hai mat phang (P) va (BCD) c6 s0 dola & thoa man tano = — Goi thé tich cua hai

1

tr dién ABCE va tr dién BCDE lan luotla ¥} va V. Tinh ti s6

SN

A 3. B. 2. c.3. p. 1.
5 3 3

8
Cho khdi chop tir giac S.ABCD c6 day 1a hinh binh hanh. Goi M 14 trung diém cia SC, mit
phing (P) chira AM vi song song BD chia khdi chép thanh hai khdi da dién, dit ¥} 1a thé tich
, : , V.
khéi da dién c6 chira dinh § va ¥V, 1a thé tich khdi da dién co chira day ABCD . Ti sb ?2 la:

1

V. V. V. v, 3
A =3, B. +=2. C. *=1. D. =,
Z Z 7 Vo2
Cho diém M nim trén canh S4, diém N nam trén canh SB cua hinh chop tam giac S.4BC
sao cho M _ l, SN _ 2. Mit phiang (0!) qua MN vasongsong v6i SC chia khdi chop thanh
MA 2 NB
2 phan. Goi V) 1a thé tich ctia khdi da dién chita 4, V) 1a thé tich ciia khéi da dién con lai. Tinh
.V
ti s6 —7?
2
A A A b Y6
A A 7,76 A
Cho khdi chop tir giac S.ABCD . Mit phang di qua trong tm cac tam gidc S4B, SAC, SAD chia

, ‘ : v
khdi chop thanh hai phan c6 thé tich 1a ¥} va ¥, (V, <V, ). Tinh ti 18 71
2

.8 B. 16 c. 8 p. 16
27 81 19 75

Cho lang tru ABC.A'B'C’. Trén cac canh A44’, BB’ lan lugt ldy cic diém E,F sao cho
AA' = kA'E, BB' = kB'F. Mit phing (C'EF’) chia khéi ling try da cho thanh hai khdi da dién
bao gém khéi chop C'.A'B'FE c6 thé tich V| vakhdi da dién ABCEFC' c6 thé tich V. Biét rang

n_2
—=—, tim k.

v, 7

A. k=4. B. k=3. C.k=1. D. k=2.
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Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Cho khdi da dién nhu hinh v& bén. Trong 46 ABC.A'B'C' 1a khéi lang try tam giac déu c6 tit ca
cac canh déu bang 1, S.4BC 1a khdi chép tam giac déu c6 canh bén s4 = % .Mt phang (SA'B")

chia khi da dién da cho thanh hai phan. Goi V) 1a thé tich phan khéi da dién chira dinh 4, V,
1a thé tich phan khdi da dién khong chira dinh 4 . Ménh dé nao sau day dung?

A. T2V =5V, B. 3V, =V,. C. 24V, =5V, p. 4V, =5V,

Cho khbi lang try ding tam giac ABC.A'B'C'. Goi M, N, P,Q lan luot 1a cac diém thudc AA'

 AA',BB', CC', BC' thoaman AM _1 BN 1 CN 1 CO _1 G0 V. ¥, 1athé tich

AA4' 2  BB' 3 CC' 4 CB 5
) .V
khoi t dién MNPQO va ABC.A'B'C’. Tinh ty s6 7‘
2
Lo Ll c i1 p 2
"V, 30 "V, 45 "V, 45° "V, 45

Cho hinh lang tru ABC.A'B'C'. Goi M, N, P lan luot 13 cac diém thudc cac canh A4', BB’
, CC" sao cho AM =2MA', NB'=2NB, PC = PC'.Goi V], V, 1an luot 12 thé tich cta hai khbi

.V
da dién ABCMNP va A'B'C'MNP . Tinh ti s0 71
2

A.£=2. B.

2

¢l D.
4

S
(S )

1
>

oS

Cho hinh chép S.ABCD, goi I, J ,K ,H lan luot 13 trung diém cac canh S4,SB,SC,SD .
Tinh thé tich khéi chop S.4BCD biét thé tich khdi chop S.IJKH bang 1.
A. 16. B. 8. C.2. D. 4.

Cho hinh chop ttr giac déu S.ABCD c6 day ABCD 1a hinh vudng canh 2a. Mit bén tao v6i day
goc 60°. Goi K 14 hinh chiéu vuéng goc cia O trén SD . Tinh theo d thé tich khéi tir dién
DKAC

4 3 4 3 2 3
AV = a\/i' B.V= a\/i' C.V= a\/§' D.V=d"3.
15 5 15
Cho khdi chép S.ABCD c6 thé tich bang 32. Goi M ,N , P, O lan luot 1a trung diém S4, SB
, SC, SD . Thé tich khéi chép S.MNPQO bing
A. 16. B. 8. C. 4. D. 2.
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Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh thoi. Goi D' 1a trung diém SD , mit phang chira
BD' va song song v6i AC 1an luot cét cac canh S4, SC tai A’ vaC'. Biét thé tich khdi chop
S.A'BC'D' bang 1, tinh thé tich 7 cta khdi chop S.4BCD .

A.Vzg. B.Vzg. C.V=6. D. V=3,

Cho tir dién ABCD c6 thé tich bang 1. Goi M, N, P lan luot 14 trong tAm cia tam giac 4ABC
, ACD, ABD. Tinh thé tich ctia tir dién AMNP .

AL B. 2. c. L. p. 2 .
27 9 3 27

Cho khéi chop S.4BCD c6 thé tich bang 18, day ABCD 14 hinh binh hanh. Diém M thudc canh
SD sao cho SM =2MD . Mit phing (ABM ) cit duong thing SC tai N . Thé tich khdi chop
S.ABNM bang

A. 6. B. 10. C.12. D. 8.

Cho khéi lang tru ABC.A'B'C'.Piém M thudc canh A'B’ sao cho A'B'=3A4'M . Puong thing
BM cit duong thing AA' tai F, va duong thaing CF cat dudng thing A'C’ tai G, Tinh ti sb
thé tich khdi chép FA'MG va thé tich khéi da dién 16i GMB'C'CB

AL B. L. c. 2. p. L.
11 27 22 28
Cho tir dién ABCD c6 thé tich bang V", hai diém M va P lan luot Ia trung diém cta AB,CD
:diém N thudc doan AD sao cho AD =3AN . Tinh thé tich t&r dién BMNP .
A Y B r C y D Y
- TS e e
Cho hinh chép S.ABCD c6 thé tich bang 48 va ABCD 14 hinh thoi. Cac diém M, N, P, O

lan luot 12 cac diém trén cac doan S4, SB, SC, SD thoa min S4=2SM, SB=3SN,
SC =4SP, SD =550 . Tinh thé tich khéi da dién S.ANPO

A 2 B. 4. c. b p. 8.
5 5 5 5

Cho khéi chép déu S.ABC ¢4 canh day bang ?, canh bén bing 2a Goi M 1a trung diém SB
N 13 diém trén doan SC sao cho VS =2NC  Thé tich ctia khdi chop A.BCNM bang
a1 a1 a1 a1

A. . B. . C. : D.
18 24 36 16

Cho hinh chép S-4BC ¢ SA=2a SB=3a SC=4a vz ASB=BSC=060° ASC=90"
Tinh thé tich ¥ cua khéi chop S-4BC
20’2 3

A V= a9\/_. B.V=2d2. C.V:4“3‘/5. D.V=a\2.
Cho hinh choép déu S.4ABCD,co day va canh bén déu br?mg av2. Goi M,N lan lugt 1a trung
diém ctia cac canh SB, SD. Mit phang (AMN) chia khbi chép thanh hai phan c6 thé tich V],V
v6i V, <V,.Tacé V, bang

3 s s

AL B. 2L iy
18 9 15

D. L
9

Cho tir dién 4BCD ¢ AB=1: AC = 2: AD =3 va BAC =CAD = DAB = 60" Tinp thé tich V
ctia khéi tu dien ABCD |
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Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:
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& & 5 B

AV =—. B.V=—. C.V=—. D.V=—.

2 6 4 12
Cho hinh chép S.4BC c6 day la tam giac ABC vudéngcan & B, AC = a2 . 54 vudng goc voi
mit phang (ABC) va SA=a.Goi G la trong tAm ciia tam giac SBC . Mot mat phing di qua hai
diém 4, G vasongsong voi BC cit SB, SC lan luottai B’ va C'. Thé tich khdi chop S.4B'C’

bang:
3 3 3 3
A 2L B. L. c. p. 2%,
27 9 27 9

Mot vién da c6 dang khdi chop tir gidc déu véi tat ca cac canh bang nhau va bang . Nguoi ta
cua vién de} do thqo mat phang song song V('Yi, mat day cua khoi chop dé chia yién da thanh hai
phan co thé tich bang nhau. Tinh dién tich thiét dién vién da bi cua bdi méat phang noi trén.
AL B L. c. . p, 24

5 5 i 4
Cho tir dién ABCD c6 céc canh AB,AC,AD vudng goc voi nhau tung do6i mot va
AB=3a,AC =6a,AD =4a. Goi M,N,P lan luot 1a trung diém cua cac canh BC,CD,BD.
Tinh thé tich khdi da dién AMNP .
A. 124° B. 3a’. C.2a’. D.a.

Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh thoi va c6 thé tich bang 2. Goi M, N lan luot
SM SN

1a cac diém trén canh SB va SD sao cho <5 = D =k . Tim gia tri ctia k& dé thé tich khdi chop

S.AMN bang é .

C.k=—. D. k=
4

A k=t B. k=
8

J2 1 J2
e 2

Cho hinh chop ti gidc S.ABCD c6 thé tich bang V. Ly diém A4’ trén canh S4 sao cho SA'= %SA

. Mt phang qua A’ va song song v6i day ctia hinh chop cit cac canh SB, SC, SD lan luot tai B,
C’, D’. Tinh theo ¥ thé tich khdi chop S.4’B’C’D*?

AL B. L. c. ~. . L.

3 81 27 9

Cho ttr dién ABCD c6 céac canh AB,ACva AD d6i mot vudng goc voi nhau. Goi G,,G,,G,va
G, lan luot 1a trong tim céac tam giac ABC,ABD,ACDva BCD. Biét AB=6a, AC =9a,
AD =12a . Tinh theo a thé tich khéi tt dién G,G,G,G, .

A. 4a’. B. . C. 1084 . D. 364°.
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Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Cau 77:

Cau 78:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.ABC c6 day la tam gidc ABC vuong can & B, AC = aﬁ, SA J_(ABC),
SA=a.Goi G 14 trong tAm cua tam gidc SBC, mit phing («) di qua AG va song song vé6i
BC chia khéi chop thanh hai phan. Goi ¥ 1 thé tich ctia khéi da dién khong chta dinh S . Tinh
V.
3 3 3 3

A3 B. 24 c. % D. 2

9 27 54 9
Cho tir dién ABCD c6 thé tich V. Goi E,F,G lan luot la trung diém ctia BC, BD, CD va
M, N, P, O lan luot 1a trong tdm AABC, AABD, AACD, ABCD . Tinh thé tich khéi t dién
MNPQ theo V.
Az B. L. c. p. L.
9 3 9 27
Cho tir dién ABCD c6 thé tich bang 12 va G 1a trong tdm ctia tam giac BCD. Tinh thé tich
cta khéi chop A.GBC

AV =3 B.V=4 C.V=6 D. V=5

Cho tir dién déu ABCD c¢6 canh bang . Goi M,N 1an luot 1a trung diém cua cac canh AB, BC
va E la diém d6i ximg v6i B qua D.Mit phang (MNE) chia khéi tr dién ABCD thanh hai
khéi da dién, trong d6 khéi chira diém A co thé tich V . Tinh V.

3 3 3 3
AL 13\/511 B. 7\/511 C. \/Ea D. 11\/551
216 216 18 216

Cho khéi chop S.4BCD c¢6 ddy ABCD 1a hinh binh hanh va c6 thé tich ¥ =12. Goi M,N lan
lugt trung diém S4, SB; P 14 diém thudc canh SC sao cho PS =2PC . Mt phang (MNP) cit canh
SD tai Q. Tinh thé tich khdi chép S.MNPQ bang
L2 B. .. c 2. L2
18 3 3 25
Cho hinh chop tir giac déu S.ABCD c6 tat ca cac canh bang 1. Goi G 1a trong tdm cuia tam giac
SBC . Thé tich khdi tir dién SGCD bang

NRES B Y2 e B3 p. Y2

36 6 36 18
Cho khéi chép S.4BCD c6 thé tich bang 1, ddy ABCD 1a hinh thang v&i canh day 16n 1a 4D
va AD =3BC.Goi M la trung diém canh S4, N 1a diém thudc canh CD sao cho ND =3NC.

Mit phang (BMN) cit canh SD tai P. Thé tich khéi chop AMBNP bing

A3 B. > c. > p. 2
8 12 16 32
Cho hinh hop ABCD.A'B'C'D' ¢6 thé tich bang V. Goi M, N, P lan luot 1a trung diém cua
cic canh AB, A'C’, BB'. Tinh thé tich khdi tt dién CMNP.
A. lV. B.lV. c.iV. D.lV.

8 48 48 6
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Cau 79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cau 86:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.4ABCD c6 day 1a hinh binh hanh va c6 thé tich bang 48 . Trén canh SB, SD
lay céc diém M, N saocho SM = MB, SD =3SN . Mit phang (AMN) cit SC tai P. Tinh thé

tich ¥ cua khéi tir dién SMNP .
1

AV =—. B.V =1, C.V=2. D. V=1.
3 2

Cho tir dién ABCD ¢6 DAB =CBD =90°; AB=a; AC = aNJ5; ABC =135° . Bibt goc giita hai
mit phang (ABD), (BCD) bang 30°. Thé tich cua tir dién ABCD 1a

3 3 3
a a

a

) B. —. C. .
243 V2 32
Cho hinh choép SABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a trung diém SB. N la diém
thudc canh SC sao cho SN =2CN , P 1a diém thudc canh SD sao cho SP =3DP . Mit ph'fmg

(MNP) cit SA tai Q. Biét khéi chop SMNPQ c6 thé tich bang 1. Khoi da dién ABCD.OMNP

A.

DL
6

c6 thé tich bang
A2 B. 7 C. 4. p. 14
7 5 5

Cho hinh chép S.4BC ¢6 SA L (ABC), tam gidc ABC déu, AB =a, gbc gitta SB va mit phing
(4BC) bang 60°. GoiM , N lan luot 1a trung diém cta SA, SB. Tinh thé tich cuia khéi chop
S.MNC.

’ a a3 a

AL B. £ . C. . p. L.
8 4 12 16

Cho hinh choép tir gidc S.ABCD c6 déay 1a hinh vuong tam O, S4 = a6, SA vudng goc voi day,
mit phang (SBC)tao voi day goc @ sao cho tang = J6.Goi Gla trong tam tam giac SCD.
Tinh thé tich khoi tir dién SOGC .

a*\J6 a*\J6 a*J6 a*\J6

. B. . C. . D. .
36 6 12 24

Cho khdi hop ABCD.A'B'C'D" cb thé tich V. Léy diém M thudc canh AA' sao cho
MA =2MA'. Thé tich ciia kh6i chop M.ABC bing
14 14
c.t .
6

A.

A, —. B. —. . —. D

3 9 18
Cho hinh lang tru ABC.A'B'C'c6 thé tich 1a ¥ .Goi M la trung diém BB', diém N thudc canh
CC'sao cho CN =2C'N . Tinh thé tich khdi chép 4.BCMN theo V .

v v 4 4
AV, peun = E B. V., soun = K C.Vseuy = ? D. V, seuy = §

Cho khéi chép S.4ABC c6 ASB=BSC =CSA=60°, SA=a, SB=2a, SC=4qa. Tinh thé tich
khéi chép S.ABC theo a.

3 3 3 3
A. 8“3‘/5. B. 2“3\/5. C. 4"3‘/5. p. ;/5
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Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cau 92:

Cau 93:

Cau 94:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

khdi chop S-ABC

A. 242 . B. 243. C. 43, D. 342 .

Cho khdi tir dién ABCD c¢6 thé tich 2017. Goi M, N, P, 0 lan luot 1a trong tam cua cac tam
gidc ABC, ABD, ACD, BCD. Tinh theo V' thé tich cua khdi tir dién MNPO.
2017 4034 c 8068 b 2017

A ——. B. —. . . .
9 81 27 27

Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vuong canh a, S4=a va S4 vudng goc voi
day. Goi M 1a trung diém SB, N la diém thudc canh SD sao cho SN =2ND . Tinh thé tich ¥
cua khoi tir dién ACMN .
AV=Lg B.V=1d. c.v=La D.V=-Ld.

12 6 8 36
Cho hinh chop S.ABCD c6 day la hinh vuong canh a. Canh bén S4 vudng géc voi mat day va
SA=2a.Goi B';D'lan luot 14 hinh chiéu vudng goc ctia A4 trén cac canh SB,SD . Mit phang

(AB'D') cétcanh SC tai C'. Tinh thé tich ciia khdi chép S.4B'C'D'

3 3 3 3
AL p. 164 c. L. D. V2a
3 45 2 4

Cho tir dién déu ABCD c6 canh bang 1. Trén cac canh 4B va CD lan luot 1y cac diém M va
N sao cho MA+MB=0 va NC =-2ND . Mit phing (P) chita MN va song song v6i AC
chia khéi tir dién ABCD thanh hai khdi da dién, trong d6 khdi da dién chira dinh 4 c6 thé tich
la . Tinh V.

V2 g,y 12 c.y-12 b,y -2

AV =—. V= . V= . ==
18 216 216 108

Cho hinh chép tir gidc S.4ABCD day 1a hinh binh hanh c6 thé tich bang 7 . Liy diém B’, D'lan
luot 12 trung diém cua canh SBva SD . Mit phang qua (AB'D')cét canh SCtai C'. Khi d6 thé
tich khdi chop S.4B'C'D’ bang
v 2V V? 14
<

A, —. B. —. C. —. D
3 3 3

Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vudng canh a, SA4 vudong goc véi day,
SA = a2 . Mot mit phing di qua 4 vudng goc véi SC cit SB, SD, SC lan luot tai B', D',
C'. Thé tich khéi chop SAB'C'D' 1a:

2a3\/§ 2a3x/§ a3\/§ 2a3\/§

AV = . B. V= . C.V= . D. V= .
9 3 9 3

Cho khéi tir dién déu ABCD c6 thé tich 1a V. Goi M, N, P, Q lan luot 1a trung diém cua
AC, AD, BD, BC. Thé tich khéi chop AMNPQ la
v v v V2
7

A, —. B. —. C. —. D. —
6 3 4
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Cau 95:

Cau 96:

Cau 97:

Cau 98:

Cau 99:

Cau 100:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, S4=a va SA vudng goc voi
day. Goi M 1la trung diém SB, N thudc canh SD sao cho SN =2ND. Tinh thé tich V' cua
khéi tr dién ACMN .
Av=1g B.V=1d C.v=_Ld D. V=g

8 6 36 12
Cho khdi hop chit nhat ABCD.A'B'C'D’ c6 thé tich bang 2110 . Biét A'M = MA, DN =3ND',
CP =2C'P nhu hinh v&. Mt phing (MNP) chia khoi hop da cho thanh hai khoi da dién. Thé

tich khdi da dién nho hon bang

D C
Y
A, 17
MY D .
A il B
A 5275 B. 8440 C. 7385 D. 5275.
6 9 18 12

Cho hinh chop S-4BCD ¢4 day ABCD 13 hinh binh hanh c6 thé tich bang V' . Goi E 1a diém
trén canh SC sao cho £C =2ES  Goj (a) 1a mat phang chira AE va song song v6i BD, (a)

cit SB,SD lan luot tai hai diém M, N . Tinh theo V" thé tich cua khéi chép S-AMEN
AL B. .. c.’. p. L.
8 6 16 9
Cho khdi hop chit nhat ABCD.A'B'C'D’ c6 thé tich bang 2110 . Biét A'M = MA; DN =3ND';
CP =2PC'. Mit phang (MNP) chia khdi hop da cho thanh hai khoi da dién. Thé tich khoi da

dién nho hon bang

D’ C
A N; _________ 7
,//: _____ e Jad
-t
i
A B
A 7385' B. 5275' C. 8440' D. 5275
18 12 9 6

Cho khéi lang tru ABC.A'B'C' ¢6 thé tich bang 2018. Goi M 1a trung diém A4'; N, P lan lugt
14 cac diém nam trén cac canh BB', CC' sao cho BN =2B'N, CP =3C'P . Tinh thé tich khdi
da dién ABC.MNP .
32288 g, 40360 c. 4036 p, 23207
27 27 3 18
Cho hinh lang tru ABC.A'B'C’ ¢6 thé tich bang 64°. Cac diém M, N, P lan luot thudc cac
AM 1 BN CP 2

canh AA', BB', CC' sao cho —=—, = =Z. Tinh thé tich V' caa da dién
AA" 2 BB CC' 3

ABC.MNP
11 .
a .

1 a. . 0 —ﬂf D. V' =—

A V' = . V= .
16 3 18
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KHOI PA DIEN
THE TICH KHOI PA DIEN

| CHUONG |

BAI 3. THE TiCH KHOI PA DIEN
@ HE THONG BAI TAP TRAC NGHIEM.

PHUONG PHAP CHUNG

1. K§ thuit chuyén dinh @ moi

A. Song song day
V.=V

mdi P

B. Cit day

Vi _ Giaoci 1A
v

s Giaomoi  IB

2. K¥ thuit chuyén diy (dwong cao khong ddi)

Vi _ S
vV s

moi ady méi

-Dbé k¥ thuat chuyén day dugc thuan loi, ta nén chon hai ddy c6 cung cong thirc tinh dién
tich, khi d6 ta s& d& dang so sanh ti s6 hon.

- Ca hai k¥ thuat ¢éu nham muc dich chuyén da dién ban ddu vé da dién khac dé tinh thé tich
hon.

3. Ti s6 dién tich ciia hai tam giac

Swouy _ OM.ON
Suro  OP.OQ

4. Ti s6 thé tich cia khdi chép
A. Cong thikc ti s6 thé tich ciia hinh chép tam giac

Ve e SA SBSC

Cong thuec trén chi &p dung cho hinh chop tam giac,

do d6 trong nhiéu truong hop ta can
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hoat phan chia hinh chép dé cho thanh nhiéu hinh
chop tam giac khac nhau rdi méi ap dung.
B. Mt s6 truweong hop dic biét
SA, _SB, _SC, _SD Vs.ancn,

—L =% thi
SA SB SC SD

Néu (AB.C,D,)||(ABCD) va =k’

‘/S.ABCD

S

Bl
7
C

211

o

Két qua van dung trong trudng hop day 1a n — giac.

D

5. Ti s6 thé tich ciia khéi ling tru

A. Lang tru tam giac
Goi V 1a thé tich khdi lang tru, V( 2 1a thé tich khdi chép tao thanh tir 4 trong 6 dinh cua ling

tru,

V( 5 1a thé tich khéi chop tao thanh tir 5 trong 6 dinh cia lang try. Khi do:

V
Vo=3
2
Vo =3V
, Vv 2V
Vidw: V., ppe = ?;VA'B'ABC = ?

B. Miit phing cit cac canh bén ciia ling tru tam gic
GoiV,,V,vaV 1an luot 1a thé tich phﬁn trén, phﬁn dudi va lang try. Gia s
AM CN BP

m, =n, =p
AA' cc' BB'

Khi do: v, = FP y
Khi M=A'N=C thi 2L _ N _ *
AA U CC -
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6. Khéi hop

A. Ti 6 thé tich ctia khéi hop
Goi V 1a thé tich khdi hop, V,

@ 1a thé tich khdi chop tao thanh tir 4 trong 8 dinh cta khdi hop.
Khi d6:

V( 8 (hai duong chéo ctia hai mit phing song song) :%

. oV
V( 2 (truong hop con lai) = P

4 Vv

Vidu: V 3V wenn =

AC'BD —

B. Miit phing cit cac canh ciia hinh hp (chi quan tAm t6i hai canh ddi nhau)

DM . A -
Al + |I

o e, P~y
2 =y 2 n y "/ Sy 72 P
BB' [ y

37 g an

r Va . i B

: L N N

b o

DANG 1. Ti SO THE TiCH KHOI CHOP TAM GIAC

Cau 1:

Cau 2:

Cho hinh chép S.ABC. Goi M, N, P lan luot 13 trung diém cua S4, SB, SC. Ti s thé tich

A.12. B. 2. C.8. D. 3.
Loi giai

y MPC

= ——.——=222=8,suyradapan C.
Vese SM SN SP
Cho tr dién MNPQ.Goi I; J; K lanlugtla trung diém cua cac canh MN ; MP; MQ . Tisb

. V .
thé tich 2~ bang
MNPQ

@)
|
IS

A. 1 B.
3

>~ =
=)
o |
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Chon D
M
1K
N Q
P
Ve MI MJ MK 111 1
Ta co: = . } = - —=_.
MN MP MQ 222 8

M.NPQ

Cau 3: Cho hinh chép S.ABCD. Goi A’, B', C', D' theo thu tu la trung diém cua SA, SB, SC, SD.
Tinh ti s6 thé tich cua hai khdi chop S.A’B'C'D’ va S.ABCD.

AL B. 1 c. L p. L

16 4 - 8 2

Loi giai
Chon C
Ta co M = S_A'S_B’S_D' — 1 — Vsasp _ i )
Vouwp SA SB SD 8 Vo 16
vy Vsspe _SB' SD'SC' 1 Vippe _ 1
VS.BDC SB SD SC 8 VS.ABCD 16
Suy ra Vsamp + Vs _1 + 1.1 - Vsapen _1 '
v 16 16 8 \% 8

S.ABCD S.ABCD S.ABCD

Cau4: Cho hinh chép S.ABC. Goi M ,N, P theo thir tu 13 trung diém cua SA4,SB,SC . Tinh ti s6
thé tich ciia 2 khdi chop S.MNP va S.ABC bang

1 1 1 1
A. —. B. —. C. —. D. —.
4 — 8 16 2
Loi giai
Chon B

VAN

®

taog Voane _SM SN SP _

1
Vi e SA SB SC 8

Cau5:  Cho khdi chop S.ABC co thé tich V. Goi B',C’ lan luot 1a trung diém ctia AB, AC . Tinh theo
V thé tich khdi chop S.4B'C".
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Cau 7:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A V. B. %V. c.Lly. D.

12
Loi giai

V.

U9 | =
N

Chon D

. V,we AB AC' 11
Ta c6 ty s6 thé tich —258< =—, =—.=
V.se AB AC 22

Cho hinh choép S.A4BCD, goi I, J,K,H lan luot 1a trung diém cac canh SA4,SB,SC,SD.
Tinh thé tich khéi chop S.ABCD biét thé tich khéi chop S.IJKH bang 1.
A. 16. B. 8. C.2. D. 4.

Loi giai

Chon B

Ta co: Vs.ane :ﬁ.ﬁ.gzgiszc =8V 1k - H
VS.]JK S[ SJ SK | |

Vs.aco :ﬁ_E'S_D:8:>VSACD =8V i B D
Vs ikn SI SK SH ' . C

Do d6: Vs spep =8V 1k =38.

Cho hinh choép S-ABC, trén cac tia 54 , SB , SC 1an luot léy cac diém A', B', ' Goi V,, V,

14n luot 1a thé tich khéi chop S-4BC va S.A'B'C’ Khing dinh nao sau day 1a dung?
A Vi S4 SB' SC B vi 1 8B SC

V, SA4' SB SC' v, 2 SB'SC'
c.h_54 SB. p. /i _54 SB SC
V, SA' SB' ~ V, SA'SB'SC'
Loi giai
Chon D

Theo cong thirc ti s6 thé tich ta co Vi _54 5B S5C

v, SA'SB'SC'
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Cau 10:
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Cho khdi chop SABC c¢6 thé tich bang 5a°. Trén cac canh SB, SC lan lugt liy cac diém M va
N sao cho SM =3MB, SN =4NC (tham khio hinh v&). Tinh thé tich ¥ cua khdi chop
AMNCB .
A V=24 B.V =24 C.V=da. D.V=2d.
5 4
Loi giai

Chon D

Goi ¥, 1a thé tich khéi chop SAMN va V, 14 thé tich khdi chop SABC.

Theo cong thirc ty 18 thé tich ta co: n = &ﬂ = é
SB SC 4 A

V la thé tich khéi chop AMNCB tacod V+V, =V, . \

B

4_3
5 5

Vay V:EVO _2 500 =24,
5 5

Néu mot hinh chép tir gidc déu cé chiéu cao va canh ddy cling ting 1én 2 14n thi thé tich ciia n6
tang 1én bao nhiéu lan?
A. 2 lan. B. 4 lan. C. 6 lan. D. 8 lan.

Loi giai

Chon D

Goi %, a lan luot 1a chiéu cao va canh day cua hinh chop tur giac déu.
) , N 1
Thé tich ctia khoi chép tir giac déula V = gazh .

Khi tang chiéu cao va canh ddy 1én 2 1an thi ta duwoc khéi chop tir giac déu méi co thé tich 1a

4 =%(2a)2 (2h)= 8%51214 =8V

Vay thé tich ctia khdi chop ting 1én 8 lan.

Trén ba canh 04, OB, OC cua khdi chép 0.4BC lan luot léy cac diém A, B',C’ sao cho
204' =04, 40B'=0B va 30C' =0C. Ti s thé tich giita hai khdi chop 0.4'B'C’ va 0.4BC la
L B. L. c. L. p. L.
12 = 24 32 16
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Cau 11:

Cau 12:

Cau 13:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi giai

Chon B

V, s OA' OB OC'

V,sc 04 OB OC

p . L V .
Cho khoi chop SAB.C, M 1a trung diém ctia SA4. Ti s6 thé tich L4 bang

5.4BC
A.%. E% C. 2. D.%.
Loi giai
Chon B
Ta cd M:Sﬂ_ljﬂzl

SA 2 Ve 2

VS.ABC

Cho khdi t&r dién ABCD c6 thé tich V' va diém E trén canh 4B sao cho AE =3EB. Tinh thé
tich khoi tir dién EBCD theo V.
v v v
. 5 .

A. —. B. —. C D

4
A 3 T
Loi giai

A

C
Vereo  BE AC 4D 1

1
“Baacap 4 e Tl =gl

VA.BCD
Cho khdi chop S.ABCD c6 thé tich V. Cac diém A', B', C' tuong ng 1a trung diém cac canh
SA, SB, SC . Thé tich khdi chop S.4'B'C’ bang

AK B.K. C°K' D°K'
. 4 2 16
Loi giai
Ta c6 Vs asc :&Sigzl: Vs ymer ZK.
Vsusc 54 SB SC 8 | 8
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

CAu 14: Cho ti dién déu ABCD c¢6 canh a. Trén cac canh AB, AC lan luot léy cac diém B',C" sao

cho AB'= %,AC‘ = 2?3 . Ti s6 thé tich cta khéi t&r dién AB'C'D va khéi t dién ABCD 1a

A. B C. D

NG

1
3

N | =

1
=

Loi giai

Ta co: Viwep _ABL ACT_1

Viep AB AC 3

DANG 2. TI SO KHOI LANG TRU

Céu 15: Cho khdi lang tru ABC.A'B'C" c6 thé tich bang V . Tinh thé tich khdi da dién BAA'C'C.

A.3—V. B.z—V. C.K. D.K.
4 - 3 2 4
Loi giai
Chon B
A c'

B
Mit phang (BA'C') chia khdi lang tru ABC.A'B'C’ thanh hai khdi: B.A4'C'C va B.A'B'C'
= VB.AA’C’C = ABC.A'B'C' — VB.A’B’C’ .

Khéi chop B.A'B'C' va khéi ling tru c6 chung day va chung chiéu cao =V, ., = lV
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cau 16: Cho lang tru ABC.A'B'C’, M 14 trung diém CC'. Mt phing (ABM ) chia khdi lang tru thanh
hai khdi da dién. Goi ¥; 1a thé tich khéi ling tru chtra dinh C va ¥, 14 thé tich khdi da dién con

R 4
lai. Tinh ti sO —-.
2

N | —

A.

D | —

Loi giai

V. 1a thé tich khdi lang tru chira dinh C tic1a V, =V,, ;. = %SABC.MC

2 £ . . 1
V, la thé tich khoi dadién con lai=V, =V, oo =V, =8 ,50-CC’ _ESABC'CC’ = %SABC.CC'

Khi d6 ta co ti so

1 1 ,
% gSABCMC gSABC.CC {
72‘ 5 S T 5

S CC 28 e CC

Cau 17: Khéi lang tru ABC.A'B'C’ ¢ thé tich bang 6. Mt phang (A'BC’) chia khéi lang tru thanh mot

khdi chop tam gidc va mot khdi chop tir gidc 6 thé tich 1an lugt 14
A.2va4. B. 3 va 3. C.4va?2. D.1vas.
Loi giai

Chon A

+) Thé tich khoi lang tru 1: ¥V, ype =d (B,(A'B'C’)).S gy = 6.
+) Thé tich khéi chop tam giac B.A'B'C’ la:

1 R 1 1
Vi age = g-d (Bv(A B'C ))'SA'B’C’ = E'VABC.A’B’C' = 5'6 =2.
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Vay thé tich khdi chop tir gidc B.ACC'A' 1a: Vyy yccw =Voipewne —Vaage =6—2=4.

Cau 18: Cho khéi lang tru tam gidc 4BC.A'B'C’ c6 thé tich ¥ . Goi M 1a trung diém cta canh CC'.

Mit phing (MAB ) chia khdi lang try thanh hai phan c6 ti s6 & <1. Tim & ?
2 3

A< B. ~. c L p. L.
Loi giai
Chon C
I~
|‘| \\\'“T/ ‘I
| ‘ |
| | |
‘l M | ‘|
k ,//#\\\ k
| N
e e
T~ I| ,,/
“-.\\\ ‘ ~
TaCéI/:d(Ct(ABC)ySﬂw-
1 do 1 1 ' 1 5
Khi d6 V), 0 = gd(M,(ABC)).SABC = gar(c (ABC))-S e = V=V anawe =2V

VéYk: VM.ABC :l.

ABM .A'B'C' 5

Céau 19: Mot khdi ling tru tir giac déu c6 thé tich 13 4. Néu gap doi cac canh day dong thoi giam chiéu

cao cua khéi ling tru nay hai lan thi dugc khéi lang tru méi c6 thé tich la:
A. 8. B. 4. C. 16. D. 2.
Loi gidi
Chon A
Gia sir khéi lang try tir giac déu c6 d6 dai canh day 1a @ va chiéu cao 13 /. Khi d6 thé tich khéi
lang tru t&r gidc déu duoc tinh boi cong thitc V = Bh=a>h=4.

A A At 7 r T 1A s , 7. 2 « (DN < 1A A (DN
Neéu gap doi cac canh ddy thi dién tich ddy mé1 B'=4a”. Gidm chi€u cao hai lan nén chiéu cao

méi A' :%. Vi vay thé tich khéi lang tru méisé la: V =B'h'= s Zogn—s.

Ciu 20: Biét khdi hop ABCD.A'B'C'D' cb thé tich ¥ . Néu taing mdi canh cta hinh hop d6 1én gap hai
lan thi thé tich khéi hop méi 1a:
A. 8. B. 4V . C.2r. D. 16V .
Loi gidi
Chon A

Ta c6 néu ting mdi canh ctia khdi hop 1én hai 1an thi ta dugc khéi hop méi dong dang véi khdi
hop cii theo ti s6 2. Do d6 thé tich khbi hop méi bang 2°V =8V .

Céu 21: Cho hinh ling tru dng ABC.A'B'C' ¢6 M 1a trung diém ctia A4’ . Ti s thé tich Hosane bang

ABC.A'B'C’
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Cau 22:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

AL B L. c. L p. L.

6 3 12 2

Loi giai
Chon A
A’ c’
B
Ta co:
VABC.A’B’C' = AA"SAABC
1 11 , 1

VM.ABC = g AM'SAABC = EE A4 'SAABC = g VABC‘A’B'C' .
— Vi asc _ l

Visc ame 6

Cho ling tru tam giac ABC.A'B'C’ cothétichla V. Goi M 1a trung diém canh A4’ . Khi d6 thé
tich khdi chép M.BCC'B' 1a

Az B2 c.”. p.~.
2 3 3 6
Loi giai
Chon B

Vi A4'//(BB'C'C) nén d(M,(BB'C'C))=d(A,(BB'C'C)) suyraVy spce =V, smec

: 1 2
MaV, ppec =Vipeawe =Viope =V _EV - EV

" 2
Vay V., spcec = EV .
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Cau 23:

Cau 24:

Cau 25:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho lang tru ABC.A'B'C'. Biét dién tich mit bén (A4BB'A’) bang 15, khoang cach tir diém C
dén (ABB'A’) bing 6. Tinh thé tich khéi lang tru ABC.A'B'C".
A. 30. B. 45. C. 60. D. 90.

Loi giai

Chon B

Taco Vo pyy = %d (C5(ABB'A)).S 1y = %.6. 15 =30.

\ 2 3
Ma Ve yppy = E'VABC.A’B'C' = Viscawe = EVCABB'A’ =45.

Cho khéi lang tru ABC.A'B'C’ ¢c6 thé tich bang V. Tinh thé tich khbi da dién ABCB'C’.

AL B. .. c. p. 2.
4 2 4 - 3
Loi giai
Chon D
A’ c
A c

B
Goi chiéu cao cua lang trula &, S, =S, 5 =S .Khido V =5h.
1 1 2

Ta co VA_A,BVC, ZEShZEV :>VABCB'C' ZEV

Cho hinh hop ABCD.A'B'C'D" ¢ I 1a giao diém cia AC va BD. Goi V; va V, lan luot 1a

thé tich cua cac khdi ABCD.A'B'C'D' va I.A'B'C'. Tinh ti sd g
2

AL B. L) c 3 p. o3
£ £ v, 2 v,
Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Chon A

Taco: V,=A4A"'S ,zcp

1

1 1 1
v, :gd(l;(A‘B'C')).SAA.B,C, :§d(A;(A‘B‘C')).

' |4
Sigen :EAA S e :ng 371: 6
2

N | =

Cau 26: Cho tir dién ABCD c6 thé tich ¥ véi M, N lan luot 1a trung diém 4B, CD . Goi V,, ¥, lan luot

: +
la thé tich cita MNBC va MNDA . Tinh ti 1€ %

A. 1. 3.1. c.l D. 2
2 3 3
Loi giai
Chon B

C

Vi M, N lan luot 1a trung diém AB, CD nén ta co:

d(A,(MCD))=d(B,(MCD));d(C.(NAB))=d (D,(NAB)). do do:
4 14 14
Visco =Vacp = 3; Vi=Vinse =Verms =Voams = B'Az/[CD :Z;
— e _K

Vo =Viwap =Voama =Vesma = T = 4
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

r.y
V4 4 1
14 v o2

Céiu 27: Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M va N 1a trung diém céac canh S4,SC

, , . V. 5
, mit phang (BMN) cat canh SDtai P.Tiso 22 bang :

SABCD

A. Vssupn :L. B. Vssuen =—— C. Vssupy :L. D. Vssupy :l.
VSABCD 16 - VSABCD 6 VSABCD 12 VSABCD 8
Loi giai
Chon B

D --.'..--

Dung SONMN ={I} SINnSD={P} OE//BP;

. .2 P l 1 DE D 1
Khi do: 7 1a tung di€ém cua MN, SO nén S—=S—=—; —=—0=—
SE SO 2 DP DP 2

Vay: SP=PE=ED=>C =1

SD 3
VSMPB —S_PSﬂ—ll_l: VSMPB 1
Veiog SD S4 32 6  Vepp 12
Vg _SPSN 11 _1_ Vg 1
Vierg SDSC 32 6 Veiser 12
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Cau 28:

Cau 29:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

1 1 1
—_—t—=—
12 12 6

VSMPNB —

VSBMPN = VSBMP + VSBPN v
SABCD

Cho tir dién ABCD . Goi B',C’ 1an luot 1a trung diém ctia 4B va CD.Khi d6 ty sb thé tich cia
khéi da dién AB'C'D va khbi ttr dién ABCD bing

AL B. L. c.l D. 1.
2 4 6 8
Loi giai
Chon B

C

Ta co:.

1 ' ’ 1 ' T
VB’AC'D gSADCAd(B,(DCA)) EDCDASIHADC d(B’,(DC’A))
Vaseo - Vaaco ;SADCA.d(B,(DCA)) ;DC.DA.sinA/D\C d(B,(DCA))

VAB'C 'D

N

1
2

N | =

Cho hinh chop S.ABCD déy 14 hinh binh hanh. Goi M, N lan lugt 1a trung diém cua S4,SC.

Mit phang (BMN) cat SD tai P. Tisb Vsry bang:

S.4BCD
A. Vs sy _ L ) B. Vs sy _ l C. Vs sy _ L D. Vs supy _ l )
Vsapep 10 ~ Viaser 0 Vsaper 12 Vsaser 8
Loi giai

Chon B
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Cau 30:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Taco M,N latrung diém cua S4,SC nén i—j\j = SN =

Cich 1: Ap dung dinh 1y Menelaus cho ASOD ta cé :

PS BD IO PS PS 1 SP 1
Ay [l B [ Pl e
PD BO IS PD PD 2 SD 3

Cich 2: Ké OH // BP, tacé O latrung diém ctia BD nén H 1a trung diém cua PD.
Tacd OH //IPma I 1 trung diém ciia SO nén P 1a trung diém cua SH .

Suy ra SP=PH = HD :E:l.
SD 3

s 2
Theo cong thitc ti sé thé tich ta c6 : ~szuey - sme _ SM SP 11
Veusco  2Vspap S48 23

1
-

Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh. Goi K, M 1an luot 1 trung diém cua
cac doan thing SA4, SB, () 1a mit phing qua K song song voi AC va AM . Mit phing ()
chia khéi chop S.ABCD thanh hai khéi da dién. Goi V] 1a thé tich ciia khéi da dién chira dinh S

. R . a4 R ., 2V
va V, la thé tich khoi da dién con lai. Tinh ti s0 —-

£
N B. L2 ch-T p.o_2
Vv, 25 v, 11 v, 17 -V, 23
Loi gidi
Chon D

Page 16



Cau 31:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

0

Goi ¥ 1a thé tich khdi chop S.ABCD; I, H lan luot 13 trung diém SC, SM . Do («) //
(ACM) nén («) cit (SAD), (SBD), (SCD) lan luot tai KL, HP, IJ cung song song vdi OM .

Vv
Taco =22 — BH.BQ.BP :—.3.322—7. Suyra Vy,0p :EVBSAC =2.1V22—7
Vessie BS BA BC 422 16 ' 16 ™ 16 2 32
V AK AQ AL 111
AKOL _ _ Q. o #VA_KQLZ—VA.SBD:LLV:LV
Vissp AS AB AD 222 8 8 82 16
1
Tuong tu: = V., =—V.
‘ 16
Do d Vz—[g—L—L] _2 :>V1:iV
32 16 16 32 3
Vay ti s0 5:i
, 23

Cho hinh chép tir giac déu S.4BCD. Mit phang (P) qua 4 va vudng goc véi SC cit
SB, SC, SD lan lugt tai B',C', D'. Biét C’ 1a trung diém cta SC . Goi V;, ¥, 1an lugt 1a thé tich

hai khéi chop S.AB'C'D' va S.ABCD . Tinh ty sb ;

2
a2 B. A-2 c. it p. -1
v, 3 v, 9 v, 9 A
Loi giai
Chon D
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Taco V, =2V, e =2V 1cp.- Goi O=ACNBD, J=SONAC'.
Vi C' 1a trung diém cua SC nén J 1a trong tdm ctia ASAC .
Vi BD L (SAC)= BD 1. SC ma (P) qua A va vudng goc véi SC nén (P)//BD.

Trong (SBD) qua J ké dudng thing song song voi BD cét SB, SD lan luot tai B', D'.

., SB" SD' SJ 2
TacO) —=——=—=—".
SB SD SO 3
o fooaee Sorcn 15158 SC D SCY 1,2
S4 SB SC SA4 SD SC 3

1

I 1
I/Z 2VS.ABC 2VSACD 2 2 . 2 3 .
Céu 32: Cho hinh chdp S.ABCD . Goi 4’, B', C’, D’ theo thir tu 1 trung diém cta S4, SB, SC,SD . Tinh
ti sO thé tich cua hai khdi chop S.4’B'C'D’ va S.ABCD .

AL B. L. cl. p. L.
16 4 8 2
Loi giai
Chon C

T ¢, VS.A,B,C,:SA’.SB’_SC’: 1
Ve se SA SB SC 8

VS_A,D,C,:SA’.SD/_SC’: 1
Ve e SA SD SC 8

Ma Vs ipen = Vs ape + Vs acn» Suy ra

1

~(Vsusc TV,
Vsuwen _ Vsuwe T Vsuen _ 8< SABe SACD) _ l
Vs asco Vs asco Vs asco 8

Cau 33: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh, trén canh SA4 léy diém M va dat
i—]‘j =x. Gia tri x dé mat phang (MBC) chia khéi chép da cho thanh hai phan c6 thé tich bang

nhau la:
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Cau 34:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

J5-1 J5 J5-1
B XZT. X=—-.

A x=L. B. C.x="2 D.
2 3 3

Chon B

Ta co:

BC//(SAD
( ):‘(SAD)m(BMC)zMN//BC:sSﬂ:S_N:x
BC = (BMC) "D
S.MBC _ 2V e SM

I/tS‘.ABC V - SA

~

=X

VS.MCN — 2VS.MCN — SM .S_N=x2
VSAACD V sS4 SD
= 2(VS'MCNV+ Vsamc) =x+x & —2VS¥BCN =x+x & VS‘A;?CN = x+2x2 (1)

Mit phang (MBC) chia khdi chop di cho thanh hai phan c6 thé tich bang nhau

VS.MNBC 1
ZSMNBC _ ~ (9
14 2 )

Tu (1) va (2) tacé: 1=x+x> @x:E.

Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan luot 1 trung diém
cia céc canh AB, BC.Diém I thudc doan SA. Biét mit phang (MNI) chiakhéichop S.4BCD

thanh hai phan, phan chtra dinh S c6 thé tich bang % lan phan con lai. Tinh ti s6 k = %?

A.

| =

B. 2. c. L. D. 2.
3 3 4
Loi giai
Chon B
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

r A " D

Hinh 1 Hinh 2
Mat phiang (MNI) cét khdi chép theo thiét dién nhu hinh 1. Dat V0, =V .

, 1 1 S
Taco SAAPM = SABMN =ZSAABC =§SABCD = ML =~

SABCD 8 .

1,
(S.(4BCD)) SA k+1’

I/IAAPM _ Padrm d(l’(ABCD)) _ k k

. v, o=—V
Ve sen Sasen d(S,(ABCD)) 8(k+1):> AR (k1)

d(I,(ABCD)) 14 &
d )

Do MN//AC = IK //AC = IK | /(ABCD)=> d(I;(ABCD))=d(K;(ABCD)).
k

8(k+l)

Ké [H//SD (H € SD) nhu hinh 2. Taco :

IH AH Al k

SD AD AS k+1
IH_PH_PA+AH_PA+2AH_1 2k 3k+1

Ma SAAPM = SANCQ =V = VK.NCQ =

= = = __+ .
ED PD PD PD PD 34D 3 3(k+1) 3(k+1)

_ED_IH ID _ 3k jd(E,(ABCD)):ED: 3k
SD  SD ED 3k+1 ~ d(S,(ABCD)) SD 3k+1

= =V, =
Suer 8 Ve 24k+8 0 FTP 24k48
13 13

EIKAMNCD — 2_OV = VE.PDC - V].APM - VK.NQC = 2_0

SAPQD _2 — VE.PQD _ 27k 27k

27k k k 13

V- V- V="v

T8(Gk+1)  8(k+1)  8(k+1) 20
27k k 13 i 2

Py — =
2(3k+1) k+1 5 3

Chu 35: Cho hinh chép S.ABC ¢6 SA=6,5B =2,SC =4, AB = 2:/10,SBC =90°, ASC =120°. Mit phing
(P) di qua B va trung diém N cua SC dong thoi vudng goc véi (SAC) cat SA tai M. Tinh ti s

. V.
thé tich k = S84V
S.ABC
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Cau 36:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A k==, B. k=1, C. k=1, D. k==,
4 - 6 9
Loi giai
Chon C
0,
Ta co:

« SA+SB* =6 +22 =40 = AB> = ASB =90°.

) 1
* ASBC vudng tai B :>BN=5SC:2.

= SN = NB =SB =2= ASNB déu.
Goi D 1a diém thudc canh SA4 sao cho SD =2, ta ¢o:

DB*=2>+2°=8

DN* =27 +2%-222.c0s120° =12

NB*> =4

= DB* + NB*> = DN’ = ADNB vudng tai B.

*GoiH E lan luot 1a trung diém cua DN, NB, ta co:

= NB L (SHE)= NB L SH .

NB 1 SE
NB | HE

SH L DN
{ = SH 1 (DNB)= (SDN) L(DNB)=D=M = SM =2.

SH | NB

g Vo SM SN 22
. _6.4

1
Ve e SA SC 6
Cho t dién ABCD, trén cac canh BC,BD, AC lan luot léy cac diém M,N,Psao cho

BC=3BM, BD = %BN, AC =2A4P. Mit phang (MNP) chia khdi tir dién ABCD thanh hai khoi

da dién co thé tich 1a V.,V,, trong do6 khdi da dién chira canh CD c6 thé tich 1a V,. Tinh ti ) %
2
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A2 B. 120 A p. L2
~ v, 19 v, 13 v, 19 v, 19
Loi giai
Chon A
Ap dung dinh 1i Me-ne-la-uyt ta co : @.£.£:1:£:4
MC NB GD GD
, GCFD PA_,  FD 1
GD FA PC FA 4
VDCPMNF = VCPMF + VCMNF + VCNFD
1
Ve 37 Sens 4124
Vaisco ;d(D,(ABC)).SABC >23 15
La(F (cna)).s
Vo 30 OM)Sews 122 4
Visen ;d(A,(CBD)).SCBD 533 45
1
Voo gd(C,(FND)).SFND 12 4
V sseo ;d(C,(ABD)).SABD >33
V, 4 4 1 19 ¥V, 45-19 26
= + + = — = =

= — B — —__:> fr—
Viep 15 45 15 45 7, 19 19

Cau 37: Chotadién ABCD .Xét diém M trén canh AB, diém N trén canh BC , diém Ptrén canh CD

MB _ NB , PC 3

sao cho =3,— =4,—==_.Goi V,,V, theo thir ty 1a thé tich cic khéi tir dien MNBD
MA NC 'PD 2

Vo
va NPAC . Tiso 71 bang

2
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Cau 38:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

1 1
A. 3. B.5. C. —. D. —.

5 3
Loi giai

Chon B

C

V, = %hl.s1 véi by =d(M;(BCD));S, =S50

52 h,.S, _s
I/Z hZ'SZ

Ch 3 4 13 3 S 20
Vi—=—vas ==S5,,.,:5,=——=S =— =-—Ll=""

h2 4 1 5 ABCD 2 5 5 ABCD 25 ABCD S2 3
Cho khéi chép S.ABCD c6 day 1a hinh binh hanh. Goi M, N 13 hai diém nim trén hai canh SC,
SD sao cho M _ l,S—N =2, biét G 1a trong tAm tam giac SAB. Ti sd thé tich Youw = ﬂ, m,
SC 2 ND Ve isep 1
n 1a cac s6 nguyén duong va (m, n) =1. Gia tri ciia m+n bang:
A. 17 B. 19 C.21 D.7
Loi giai

Chon B
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

+ Goi E 1a trung diém cua 4B

2 2 2
= d(G,(DMN)) =§'d(E,(DMN)) = g'd(A,(DMN)) = g'd(A,(SCD))
1
= Voo = E'SADMN 'd(c,(DMN))
11 2 1 1
= E'ESASCD'E'd(A,(SCD)) - 5 Vs.aco = E Vs.anco
Yon :L:>m+n =19
Vsasco 1

Ciau 39: Cho hinh chop S.ABCD c6 ddy 1a hinh binh hanh. Goi M, N 1an luot 13 trung diém cta SA4, SB
. Mit phiang (MNCD) chia hinh chép da cho thanh hai phan. Ti sb thé tich hai phan la (s6 bé
chia sb 16n)

3

A. =, B> C
=5 4

1
L p. 2
3 5

Loi giai

Chon A
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi thé tich khdi chép S.4BCD 1a ¥, khi d6 thé tich khéi chop S.ABC va S.ACD la

1
Vs asc =Vsacp = EV'

Tacs Dusse (SMSVSC_ 11 L gogqy Ly L1, 1,
Vs use SA SB SC 2 2 4 ' 4 > 4 2 8

Tacs Duseo (SM SCSD 1Ly L gy Ly L1, L
Ve op SA SC'SD 2 2 Mep Ty TS 272

\ ax 1 1 3 , 3 5
Tt do VS.MNCD :VS.MNC +VS4MCD :§V+ZV:§V’ do do VMNABCD :V_szgV-

VS.MNCD =§V:§V=
8

8

Vay 3 .

MNABCD
Céu 40: Cho hinh chép S.ABCD.Goi M, N, P, O theo thtr tu 13 trung diém cta SA, SB, SC, SD.

Goi V;, V, lan luot 1a thé tich ctia hai khéi chop S.MNPQ va S.ABCD . Ti s6 ; bang

2

AL B. L c. L p. L.
16 - 8 2 4
Loi giai
Chon B
Ta co:
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Cau 41:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

VS.MNQ=SM SN SQ=l:> =lV ) VSNPQ:SN SP SQ:l:> =1V
: * S.MN " S.ABD > : * S.NP: " S.BCD *
Vewy SA SB'SD 8 °© 8 Veper SB SC'SD 8 °© 8
1 1 1 |2
Suyra: V, = VS.MNPQ = VS.MNQ + VS.NPQ = _(VS.ABD + VBCD) ==Vspop=5Va=>—F==.
8 8 8 Vv, 8

Cho hinh chép S.ABC, M va N la cac diém thudc cac canh S4 va SB sao cho MA=2SM,
SN =2NB, (@) 1a mat phing qua MN va song song véi SC . Mit phing («) chia khéi chép
S.ABC thanh hai khoi da dién (H,) va (H,) véi (H,) la khoi da dién chira diém S, (H,) la

khoi da dién chira diém 4. Goi V; va V, lan luot 14 thé tich cua (H,) va (H,). Tinh ti s0 —-.
2

A.

O NN

B.>. c.2. .2
4 4 3

Loi giai

Ki hi¢u 7 1a thé tich khdi tir dién SABC.
Goi P, Q lan luot la giao diém cua (&) véi cdc duong thing BC, AC.
Taco NP // MQ// SC.

Khi chia khéi (#,) béi mét phang (ONC), ta dugc hai khdi chép N.SMOC va N.QPC.

VN.SMQC _ d(N’(SAC)) . SSMQC

Ta c6 .
VB.ASC d (B,(SAC)) SSAC
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Cau 42:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Vigre _d(N,(QPC)) Spnc _NB'(CQ'QJ_I [1 2)_ 2
Cc4 CB)

3

33

Vewe d(S,(4BC)) S, SB T27
%

v 4 4
Dodo Ao uswec  “nore (10, 2 4V :—:>5V1:4V2:£:—.
V VB,ASC VS.ABC 27 27 9 Vl +V2 9 V2 5

Cho hinh chép S.ABCD c6 ddy ABCD la hinh thoi canh a, BAD = 60° va S4 vudng goc voi
mit phiang (ABCD). Géc giita hai mit phang (SBD) va (ABCD) bang 45°. Goi M 1a diém
doi xtmg cia C qua B va N la trung diém cua SC. Mat phang (MND) chia khoi chop
S.ABCD thanh hai khéi da dién, trong d6 khdi da dién chita dinh S c6 thé tich ¥;, khdi da dién

con lai co thé tich V, (tham khao hinh v& bén).

A

Tinh ti s0 5
£

A L2 B. -2 c. -l ph_T

v, 7 v, 3 v, 5 =¥ s

Loi gidi
Goi O=ACNBD.
Khi d6 géc giita hai mit phang (SBD) va (ABCD) bang 45° < SOA = 45°.
ABAD dbu = 40 =3 25 54 40 anase = V3 V2 _aV6.
2 2 2 4

, , : 2 aV6 a’\3 _ a’y2

Thé tich khéi chép S.4BCD bing: ¥ =~854.25, . _2alo a3 _aN2
3 3 4 4 8

X . K. 1, 3 X s Ko 1 4 N , 1 03\/5

The tich khoi chop N.MCD bang thé tich khoéi chép N.ABCD bang: V :EV: T

2 3
Thé tich khéi chop KMIB bing: V' =~.LSASA,,, _LaJ6 a3 a2
33 9 4 8 96
3 3 3 3 3 3
Khid('):szV'—V":a\/E—a\/EZS\/Ea ;VIZV_VZ:(I\/E_S\/EG :7(1\/5.
16 9 96 s 96 9%
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Cau 43:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh chép S.4BCD c6 ddy ABCD la hinh chit nhat. Mt phing () diqua 4, B va trung
diém M cla SC. Mit phang (&) chia khdi chop da cho thanh hai phan c6 thé tich lan lugt 1a

V., V,v6i V. <V,. Tinh L.

2

A.

0 | W

-2 B.
5

N
S

. [4Bc(a)
Ta ¢6 = ()~ (SCD)=MN J/ AB//CD .
AB//CD

= (@) cit hinh chép theo thiét dién 1a hinh thang ABMN .

Khi d6 (4BMN) chia hinh chép thanh hai da dién 12 S.ABMN va ABCDNM c6 thé tich lan
lugt1a ¥, va v,.

Lai co

v, 1 1 !
&, —VSABM = 5 = Veasu = EVSABC = ZVSABCD :
SABC

1 1

—=>Vopw = Z Voase = g Vsasen -

Q:) VSAMN —
4

VSA CD

N 3 . 5
Ma Vl = VSABM + VSAMN = gVSABCD va Vz = VSABCD - VSABMN = gVSABCD .
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

CAu 44: Cho tir dién déu ABCD canh «a. Mit phéng (P) chtra canh BC cét canh 4D tai E . Biét gbc
o~ . - < \ ;A \ 5 ~ 5\/5 . Ao , .

gitra hai mat phang (P) va (BCD) c6 s0 do 1a & thoa man tana = — Goi the tich cua hai

tr dién ABCE va tir dién BCDE lan lugt 1a ¥, va V,. Tinh ti s6 n

2

A2 B2
5 8

00 | ==

Goi H, I lan luot 1 hinh chiéu vudng goc cia 4, E trén mat phang (BCD). Khi do H,
I e DM véi M 1atrung diém BC.

Ta tinh duoc AH:a—, DH = , MH =
3 3 6
Ta ¢ géc gitta (P) véi (BCD) = ((P),(BCD))= EMD = a . Khi d6 tana = % _ # ,
a6
gy DEAH _“ 3 6
Goi DE=x = PE_EL _ DI AD a 3
AD AH DH a3
X.——
pyDEDH _ ™ 3 _ 3
AD a 3
Khi d6 MI = DM — DI_%—i
x6
Vay tanag =—= o - > x="qg
Mr 7 a3 x3

2 3

Khi do: DBCE:_:_:_:_'
Vipep AD 8 Veeoe S
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Cau 45:

Cau 46:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho khéi chop tir gidc S.ABCD c6 day l1a hinh binh hanh. Goi M 14 trung diém cta SC, mit
phang (P) chita AM va song song BD chia khdi chép thanh hai khéi da dién, dat ¥; 1a thé tich
khoi da dién c6 chira dinh S va ¥, 1a thé tich khoi da dién c6 chira ddy ABCD . Ti s 72 la:
1
v, v,
A. —2=3 D. 2= E
4 o2
bat Vs jyep =V
Goi O 1a giao diém hai dudng chéo AC va BD. Goi I 1a giao diém cua SO va AM .
Do (P)//BD nén (P) cit mit phang (SBD) theo giao tuyén NP qua I va song song véi BD;
(N eSB;PeSD).
Xét tam gidc SAC c6 I 1a giao diém hai trung tuyén nén 7 1a trong tm.
V. SP.SN
Taco S48 = _22_4 :VSAPN:4VSADB _Aly 2y
Ve g SDSB 33 9 ' 92 9
V. SP.SM .SN
Tuong tu S.PMN zzlg:g :>VSPMN: VSDCB :g_lV:lV
Vipes SDSCSB 323 9 ' 9~ 92 9
N 1 .V,
Tudo V, =V, o + Vg py ==V . Do d6 —==2.
. : 3 7
Cho diém M nim trén canh S4, diém N nim trén canh SB cia hinh chép tam giac S.ABC
sao cho sM_1 , SN _ 2. Mit phing (&) qua MN va song song véi SC chia khdi chop thanh
MA 2 NB
2 phan. Goi V; 1a thé tich ctia khdi da dién chira A, ¥, 14 thé tich ciia khéi da dién con lai. Tinh
.V
ti sO —?

2
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

) A A b Lt
5 v, 6 v, 5

A.

Sl

D

- Trong mit phang (SAC) dung MP song song véi SC cit AC tai P.Trong mit phang
(SBC) dung NQ song song véi SC cit BC tai Q. Goi D la giao diém cia MN va PQ.
Dung ME song song véi AB cit SB tai E (nhu hinh v&).

-Tathéy:&z%zl:SNzNEzNleSB
SB SA 3 3
Suyra N 1a trung diém cia BE va DM , ddng thoi pB=ME=1 45 D8 =l, DN _1
3 DA 4 DM 2
DO DN 1
Do NO//Mp—2L_DPN _1
DP DM 2

- Nhan thay: V, =V, ,» =V,

D.BNQ*

Vowo _DB DN DQ _

111
. . — .. —:}V :—V :>V:_ :_.V )
Vour DA DM DP 422 16 DBNQ = @7 D-AMP 1T g DAMp T [ MoADP

;DB
Do N //sC— QB NB_L_ dN:DB) OB _1_ 5 pgy_L 4(c.am)
CB SB 3 d(Ci4B) CB 3
! 11 1 1 8
:>SQDB :E'd(Q;DB)'DB :E'gd(CaAB) _AB_ESC/IB =S ,pp =—Susc

12 8 16
= Vyyupp =~ -d(M;(ADP)).S 1o === d (S;(ABC)).= S 1y =— Vi e
33 9 27
15 16 5
V= E2_7 S.4BC — E'VS.ABC =V, =Vsu5c =Vi==Vs s5c-
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Vay K=%

2

Ciau 47: Cho khéi chop ti giac S.ABCD . Mit phang di qua trong tAm cac tam giac SAB, SAC, SAD chia

‘ \ . V.
khoi chop thanh hai phan c6 thé tich 1a ¥, va V, (¥, <V,). Tinh ti 1¢ 7‘

2

A S B. 16 c o p. 16
27 81 19 75
Cich .

Goi G,,G,,G, lan luot 1a trong tam c4c tam gidc SAB, SAC, SAD . Tacé (G,G,G,)| (4BCD).

Goi (G,G,G,) cét S4,SB,SC,SD theo tht tu 1an luot tai 4',B,C",D', tacd S.4'B'C'D' dong

8
. ‘ 2
dang v61 S.ABCD theotiso k=— suyra Vs ypcny =iVSABCD :£:A=£.
3 ' 27~ v, 1_827 19

Cach 2.
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Cau 48:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

VS.ABCD = VS.ABC + VS.ACD

V. .. SA' SB' sC' (2) 8 8
VT SA 5B SC :(5j =077 Vsawe =7 Vsane
S.ABC
V. o SA' SC' sD' (2) 8 8
VT SATSC D :(Ej =97 Vaaen =97 Vs
S.ACD
8
V. =V, +V, Ly ﬁ__é7 -
sawen =Vsage T Vs acn =50 Vs agep v, - 1-8 19
27

Cho lang tru ABC.A'B'C'. Trén cac canh AA',BB' lan luot liy cac diém E,F sao cho
AA' =kA'E, BB' = kB'F. Mit phang (C'EF’) chia khéi lang try da cho thanh hai khoi da dién bao
gdm khdi chép C'.A'B'FE co thé tich ¥, va khdi da dién 4BCEFC' c6 thé tich V,. Biét rang

41
£
A.

k=4. B. k=3. C.k=1. D. k=2.
Loi giai

Chon B

Ta co:

AA'=kA'E
BB'=kB'F
1

S ABFE — ; SABB’A’

| —

VC'AA'B'FE _

s
VC'.ABB’A'

U-)ll\) =~

VC’.ABB’A’ =

2 2
'VABC.A’B’C’ = VC’,A’B’FE = ﬁ'VABC.A’B’C' = VABCEFC’ = I_E VABC,A’B’C’

2

Veoapre _ 3k =£©ﬂ:2(1—1]<:>k:3.
Viscerc (1 _ 2) 7 3k 3k
3k
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
Cau 49: Cho khdi da dién nhu hinh v& bén. Trong d6 4BC.4'B'C' 1a khdi lang try tam giac déu co tat
ca cac canh déu bang 1, S.4BC 1a khéi chép tam giac déu c6 canh bén SA :g. Mit phang

(S4'B") chia khéi da dién da cho thanh hai phan. Goi ¥, 1a thé tich phan khdi da dién chira dinh
A, V, 1a thé tich phan khdi da dién khong chira dinh 4. Ménh dé nao sau day dung?

A. T2V, =5V, B. 3V, =V,. C. 24V, = 5V,. D. 4V, =5V,
Loi giai

Chon B

Dung thiét dién SMA'B'N tao boi mat phiang (SA'B') va khéi da dién da cho nhu hinh vé.

2 2
SG=+8SC*-GC* = f[%) —[?} :é; GD:G'D':%Cng; GK:%G'D':%

pK—Gp—gk-B_B_B 3
6 24 8 4
Goi 7 1a thé tich toan b khéi da dién: V ="V . ppe + Ve ppce _ V3 LTN8 53
‘ ‘ 4 33 4 18
poo lppg 113133 7V3
B'.ABNM 3 O 4BNM 3 .2 4 . 8 192
g 1v31 1 3
V.aeu :_d(B;(ACC 4 ))'SAA'M _ETEIZ:E
1 111, 3)/3 73
V. ~8GS . == — |14+ X = _
S I B 2[ 4] 8 576
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Cau 50:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

V:ﬁ+£+ﬁ:ﬂ 5\5_5\/5:5\/5
18 72

" 192 48 576 72 24

Suyra 3V, =V,.

Cho khéi lang try dung tam giac ABC.A'B'C'. Goi M, N, P, lan luot 1a cac diém thudc A4',

A4’ ,BB', CC', B'C' théa min AM:l, BN:l, CN=1, CQ=1.Goi V., V, 1athé tich
A4' 2 BB' 3 CC' 4 CB 5

khéi tir dién MNPQ va ABC.A'B'C’. Tinh ty s ;
2

PN B. -1l c Ll p. L_22
v, 30 — vV, 45 Vv, 45 Vv, 45
Loi giai
Chon B
s
A »
Q
B
M
P
N
A\/C

B

SNPCB 1 BN CP 1 1 1 7 7
S =— + ==zt :ﬂ = Snecs ZESC’B’BC

cppe 2\BB" CC') 2\3 4
Suy ra S =1—SC’Q”+SB’NQ+SC"NB :1—(i+i+lj:£
, C'B'BC Sescc 40 15 24 30

Mit khic AM //CC' nén d(A4,(BB'C'C))=d(M,(BB'C'C))
11 11 2

VM.NPQ = % ABBCC — %5 ABC.A'B'C'

viy L1l
Vv, 45
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Céu 51: Cho hinh lang tru ABC.A'B'C’. Goi M, N, P lan luot 1a cac diém thudc cac canh AA', BB',
CC' sao cho AM =2MA', NB'=2NB, PC =PC'.Goi V;, V, lan lugt 1a thé tich ctia hai khoi

V.
da dién ABCMNP va A'B'C’'MNP . Tinh ti s6 71
2

Al B. a-L c i1, p a2
v, v, 2 - v, 3
Loi giai
A’ C'

Goi V' 1a thé tich khéi lang try ABC.A'B'C'. Tacod V., =V, ipe + Vo sepy -

2
S isc-d (A4',(4BC)) =57

1
Vit ape = ESABC‘d (M,(ABC)) =

w o

1
3

1

1
Viawe = ESA'B'C' A (M’ (A,B’C’)) - Sypcd (Ma(A!B'C')) = §V .

11
33

Do BCC'B’ 1a hinh binh hanh va NB'=2NB, PC = PC' nén Sy, = %S

BCPN *

7 ey
Suy ra VM.B’C’PN = EVM.BCPN > Tudo V= VM.ABC + VM.BCPN + VM.A'B'C' + VM.B’C’PN

2 1 7 5
<V = EV + VMBCPN +§V +§VM.BCPN g VM.BCPN = ﬁV

2 1 1 . v
Nhuvay V=2V +—~v =Ly =y, Ly Bivay: =1,
9 18 2 2 v,

Dang 2. Ung dung ti s6 thé tich dé tinh thé tich

Céu 52: Cho hinh chop S.ABCD, goi I, J,K,H lan luot 1a trung diém cac canh S4,SB,SC,SD.
Tinh thé tich khéi chop S.ABCD biét thé tich khéi chép S.IJKH bang 1.
A. 16. B. 8. C.2. D. 4.
Loi giai

Chon B
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Cau 53:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

N

Ta co: Vs.anc :ﬁ.S—B.gz
Vo, SI SJ SK

Vysen 54 SC SD _

Ve,w SI SK SH

Do d6: Vs ipep =8V 1k = 8.

= VS.ABC = SVS.IJK .

&=

VS,ACD = 8VS.IKH

Cho hinh chép tr gidc déu S.ABCD ¢6 day ABCD 1a hinh vudng canh 24 . Mit bén tao véi day
goc 60°. Goi K 1a hinh chiéu vudng goc ciia O trén SD. Tinh theo a thé tich khdi tir dién
DKAC

4a3\/§ 4a3\/§ B 2a3\/§

V= . B. V= . C.V

D. V=a3\/§.

= 15 5 | 15
Loi giai

Chon A

A

D
600 I\/I
E o)
2a

C

—

+Goi E la trung diém cua 4B, O 1a tAm cta hinh vuéng ABCD.
= OE 1 AB
SO 1 AB

= AB 1 (SOE).

— gbc gilta mt bén (SAB) va mit day (4BCD) 1a SEO = SEO = 60"

A,SEO: tan 60° = % = SO = OE.tan 60" = a3 .
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

2
2 a\/g
+ A SOD c6 dudng cao OK = SO’ :SK.SD:>S—02:S—K:%:§.
SD SD  3a” +2a 5

d(K,(4BCD)) KD :3;»61(1< (ABCD»:ESO: 2a\3
d(S.(ABCD)) SD 5 ’ 5 5

2a\/§.(2a)2 _ 4a°\3 .

5 2 15

Vay Voo = %d(K,(ABCD)).S =

AACD — 5 *
3

Céu 54: Cho khéi chop S.ABCD c6 thé tich bang 32. Goi M , N, P,Q lan lugt 14 trung diém S4, SB,
SC,SD . Thé tich khéi chop S.MNPQ bing
A. 16. B. 8. C. 4. D.2.
Loi giai

Chon C

racs Vow _SM SN SP_

1
° . - = V :_V .
VS.ABC SA SB SC 8 S.MNP 8 S.ABC
Vs. SM SP SQ 1 |
VSMPQ =—SA ,E.S_D=§ = VS.MPQ :gVS,ACD'
S.ACD

, 1
Do d6 Vs sneo =Vesme T Vsapo = g(VS.ABC + VS.ACD) = gVS.ABCD =4

Vay Vs wpo =4

Céu 55: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi. Goi D' 1a trung diém SD , mit phang chira
BD' va song song voi AC 1an luot cét cac canh SA, SC tai 4’ vaC’. Biét thé tich khdi chop
S.A'BC'D' bang 1, tinh thé tich ¥ ctia khéi chép S.ABCD .

Av=2. B.V=> C.V=6 D. V=3
2 2
Loi gidi

Chon D
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Goi O 1a tam hinh binh hanh day va {/} = SONBD'.
Mit phing dwoc noi dén di qua 7 va song song AC nén cit (SAC ) theo giao tuyén 1a duong
thang A'C’' qua I vasongsong AC (v6i A'e€ SA,C' € SC).

S4'_SC'_SI 2
SA SC SO 3

I 13 trong tam tam giac SBD nén

Taco:
VS.A'BD' _ SA’.SD' :Zl :l Vv B 1 y
Ve uso SA SD 32 3 S.A'BD' —g . ) , 1V
| < = ey = o+ =
Vi gery  SC" SD' _g l —l . —lV S.AB'C'D S.A'BD s.ecp =3
Vesep SC SD 32 3 SECPT 6

=V =3V yper =3

CAu 56: Cho tir dién ABCD c6 thé tich bﬁng 1.Goi M, N, P lanluot 1a trong tam cua tam giac ABC
, ACD, ABD. Tinh thé tich ctia ti dién AMNP .

L B. Z. c.l. D. 2.
27 9 3 = 27
Loi giai
Chon D
B D
E F

Goi E, F, G lan luot 1a trung diém cua BC, CD va DB

, 1 1 1
Taco SAEFG = ZSABCD = VA.GEF = ZVA.BCD = Z
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Vapw _AM AN AP 222 8
Vo AE AF AG 333

Cau 57: Cho khdi chop S.ABCD co thé tich bang 18, ddy ABCD 1a hinh binh hanh. Piém M thudc canh
SD sao cho SM =2MD . Mit phang (ABM ) cat duong thang SC tai N . Thé tich khdi chop

S.ABNM bang

A. 6. B. 10. C.12. D. 8.
Loi giai

Chon B

Mit phing (MAB) va mit phang (SCD) c6 chung diém M va lan lugt chira hai dudng thang
song song AB va CD nén MN// AB//CD.

Vi 4BCD 1a hinh binh hanh nén ¥, ., =V, . = %VS_ABCD ~9.

Ta co:

Vit.asp d(M;(ABD)) MD 1
) - ===V =3V 4y =6.
Vs.asp d(S;(ABD)) SD 3 = Vh.asp = Vs anu

. VS,BMN:VB_SMN:SM.SN:g.g:ijV i
Vsspe Vaspe SDSC 33 9 S.BMN

= VS.ABNM = VS.ABM +VS.BMN = 6+4 = 10 .

@ Chii y: C6 thé ap dung cong thirc ti s6 thé tich va tinh nhu sau:
Ta co:

Vs anu _ Sﬂ _ 2

% D3 = VS.ABM ZE'VS.ABD =6.
S.4BD

4 4
= 5 = VS.BMN = §~VS.BDC =4.

. Vspw _SM SN _2 2
Viwe SD SC 33
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= VS.ABNM = VS.ABM + VS.BMN =6+4=10.

Cho khéi ling tru ABC.A'B'C'. Piém M thudc canh A'B’ sao cho A'B' =3A'M . Pudng thiang
BM cit duong thang AA' tai F , va duong thang CF cat duong thang A'C’ tai G, Tinh ti s6
thé tich khdi chép FA'MG va thé tich khéi da dién 16i GMB'C'CB

AL B. L. c. > D. L.
11 27 22 28
Loi giai
Chon D
, ., GM AM 1 1
Taco GM /| C'B j@= 1B =§:>SAVMG=§SABC.

Goi /14 chiéu cao cua ling try ABC.A'B'C’, V 14 thé tich cua khdi ling try ABC.A'B'C’.

Ta co
V==_8;ch.
Voo ne = (S e+ S+ S

Mait khac ta cling c6

FC CB 3

FG_GM _1_FA' _FG_FM _1_ Vi _FA FG FM _ 1
FA FC FB 3 V., FA FC FB 27

= Vewon = E Viacs = E(VA'MG.ABC +Vewon ) = Veron = 2_6 Virc.asc = 5_4 V.
Ver 1
Vay — 4G —
Vivcase 28

Page 41



CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cau 59: Cho tir dién ABCD c6 thé tich bang ¥, hai diém M va P lan luot 14 trung diém ctia 4B,CD
: diém N thudc doan AD sao cho AD =3 AN . Tinh thé tich t& dién BMNP .

AY B c.” ..

e B. 5 R E
Loi giai

Chon B

Ta co:

MB:A_ZB,AN:%Sd(N;AB):%d(DaAB)jSANM :%SADAB

DP = CTD = d(P,(MNB)) =%d(C,(ABD))

1 11 1 1
= Vs =54 (P.(MNB)) Sy =~ d (C.(4BD)).=S, iy =V

Céu 60: Cho hinh chép S.ABCD co thé tich bang 48 va ABCD 1a hinh thoi. Cac diém M, N, P, O
lan luot 14 cac diém trén cic doan S4, SB, SC, SD thoa min SA=2SM, SB=3SN,
SC =4SP, SD =5SQ . Tinh thé tich khdi da dién S.MNPQ

A2 B.2 c.t . %
5 5 5 5
Loi giai
Chon D
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Taco ABCD 1a hinh thoinén S,,., =S, -

1
Suyra Vs yop =V 4pc = EI/:S’.ABCD =24.

Viwro SM SP SO 11 1 3

r M S Y S Vmp ==
Viin SA SC'SD 245 5

s Vosw SM SN SP 111 _ .y 4
Ve SA SB'SC 234

A 8
Vay VS.MNPQ = VS.MPQ + VS.MNP = g .

Cho khbi chop déu S.ABC ¢4 canh day bang ¢, canh bén bang 2a Goi M 1a trung diém SB
N 13 diém trén doan SC sao cho NS =2NC  Thé tich ctia khéi chop 4-BCNM ping

3 3 3 3
A.a\/ﬁ' B.a\/ﬁ. C.a\/ﬁ. D.am.
18 24 36 16
Loi giai
Chon A

Goi O la trong tdm cua tam gidc ABC . Khido BO = %Bl = %# = ? .

Khoi chép S.4BC déuva O 1a trong thm tam gidc ABC 1én SO L (ABC)=> SO L OB

2
— ASOB vuéng tai O = SO =+/SB> —0B* = ,|4d’ —% - "Jf .

1 1 a33 1 a3 V11
3VS'ABC=§SO.SABC—§ 3 E 5 = >
.V SM SN 12 1
Ta co A0 —S—B.S—=E.§=§:> Vs,AMN =_Vs,ABC :
S5.4BC
2 a3\/ﬁ a3\/ﬁ
VA.BCNM=VS.AEC_VS.AMN=VS4ABC_§VS.ABC=§VS.ABC=§. 12 B 18

Cho hinh chop S-ABC o SA=2a, SB=3a_SC=4a vz ASB=BSC=60° ASC=90°
Tinh thé tich ¥ cta khéi chop S.ABC
2a3\/§

9

4a3\/§

AV = B. V =2d\2. C.V =" D.V=a2.
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Loi giai

a
3
S
=]
I=

C

Trén SA, SB, SC lan luot 1iy cac diém A’, B', C' sao cho S4’' =SB’ = SC' = a, suy ra:

V 5> Yall , / ,
SABC _ 54 5B SC = = L = VS.ABC = 24VS.A’B’C' :

111
Ve se SA SB SC 234 24

(ViSA=2a=28A4", SB=3a=3SB', SC =4a=4SC").

Theo gia thiét ASB = BSC = 60° va S4’ = SB' = a suy ra hai tam giac SA'B’, SB'C’ déuva

A'B'=B'C'=a.

ASC =90° va SA' = SC' = a nén tam gidc A'SC' vuéng can tai S, dodo A'C'=av2.

a2
2

Goi H latrung diém A'C’ thi SH = va SH 1L A'C' (1).

a2

Tam giac A'B'C’ cantai B’ nén trung tuyén, ciing la duong cao B'H = -

2 2
Xét tam giac SHB' c6 SH* + HB" :2%—#2%: a’ suyra SH 1 HB' (2)

Tir (1), (2) suyra SH L (4'B'C’), nén SH 1a chiéu cao khéi chop S.4'B'C’.

Thé tich khdi chop S.4'B'C’ 1a:

1 1 av2 1 a\/E a\/E aS\/E
Vo o =—SHS., ., —=—. —A'C' B'H = a2, — .
SABC 3 AMEC 37 2 ) 12 2 12
3
Suyra Vs yye =24V ype =24 al\z/z =24°\2.

Cho hinh choép déu S.4ABCD,co day va canh bén déu béng a2. Goi M,N lan lugt 1a trung
diém ctia cdc canh SB, SD. Mit phang (AMN) chia khbi chép thanh hai phan c6 thé tich V,,V,
v6i V, <V,.Tacé V, bang

3 54" 8’

AL B. 2L

. o D. L.
18 - 9 15 9
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Loi giai

a
3
S
=]
I=

Goi O = ACNBD,I =SONMN,P = Al NSC.Khi d6 I 1a trung diém cua SO.

Goi O la trung diém cia CP = IP//0Q = P 1a trung diém ctia SO = SP = PO = QC.

LT 1 Voyew 1 1 5 .
v ) ToEom == == WV, ==V vi V<V,
VS.ABC SB SC 23 6 VS'ABCD I g SABCD> T2 o SAABCD( 1 2 )

Do do szé.
6

Chu 64: Cho tir dién 4BCD ¢4 AB=1:4C =2: AD =3 va BAC =CAD = DAB = 60" Tinh thé tich V
ctia khéi tir dien ABCD

av=32 By =2, cv=P p.y=32
- 2 6 4 12

Loi gidi
Chon A

A
B
D
C

Do AB< AC < ADnén chon E€ AC,AE =1,F € AD, AF =1

Ta c6 BAC = CAD = DAB = 60° (gié thiét)

>

Suy ra tr dién ABEF 14 tir dién déu canh bang 1. Taco V. = e
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Mat khac ta ¢é V isco _ AB.AC.AD _ 1.2.3 i
Viger ABAEAF 1.1.1

2
Tawdo Vg = - nén chon dap 4an A

Cau 65: Cho hinh chop S.ABC c6 day la tam giac ABC vudngcan & B, AC = a2 . 54 vudng goc voi
mit phang (ABC) va SA=a.Goi G la trong tdm ciia tam giac SBC . Mot mat phing di qua hai
diém 4, G vasongsong vdi BC cat SB, SC lanluottai B’ va C'. Thé tich khéi chop S.AB'C’

bang:
3 3 3 3
A 2L B. L.  da D. 2%
27 9 27 9
Loi giai
Chon A

Goi M, N lan luot 12 trung diém cua doan thang BC, SB . Khi d6, G=SM NCN .
bat BA=BC =x>0. Theo dinh ly Pitago trong tam giac ABC vudng tai B, ta co:

2
AC2:BA2+BC2:>(a\/§) =x"+x"=>x*=a"=>x=a.

2
Dién tich tam giac ABC la: S, = %.BA.BC = %

2

Thé tich khdi chép S.4BC la: V . :%.SABC.SA =§.“7a =

Mat phéng qua 4, G song song voi BC cit SB, SC lan luottai B', C' nén B'C'// BC.XKhi
SB' SC' SG 2

do ta co = = ==,
SB SC SM 3
Ta lai c6: M:E,SB ,SC zl,E_EZi_
Viipe SA SB SC 33 9
4 4a 2°
Suy ra, Vs pc :E'VS.ABC 25? :2_7-

Cau 66: Mot vién da co dang khdi chop tir giac déu voi tit ca cac canh bang nhau va bang a. Ngudi ta
cua vién da d6 theo mit phang song song voi mit day cua khéi chop dé chia vién dé thanh hai
phﬁn c6 thé tich béng nhau. Tinh dién tich thiét dién vién da bi cua béi mat phéng noi trén.

2 2 2 3 2
N B c p, 2a*
" NG 7 4

Loi giai
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Chon C

Goi khéi chop tir gidc déu 1a S.ABCD c6 tt ca cac canh bang a.

Vi mit phang cat hinh khéi chop song song v6i day nén thiét dién tao boi mit cit va khdi chop

la mot hinh vuéng A'B'C'D'.

SA' . SA" SB" SC' SD' A'B
=k,taco = = = =

A SA SB SC SD 4B

Gia st =k (dinh i Talet ).

Y 1 1
Theo gia thiét Vs ,pcpy = EVS.ABCD 2V gy = 5'2'I/S.ABC

1 |/ |
Vs amc :E'VS.ABC A I;_:AZS :E
’ [ ! 1 I pr
S 1 hy=teok=r 4B _ L
S4 SB SC 2 2 27 4B 2
a a Y &
=48 == S =G5 )

Cho tor dién ABCD c6 cac canh AB,AC,AD vudng géc véi nhau tung dé6i mot va
AB =3a, AC =6a,AD =4a. Goi M,N,P lan luot la trung diém cua cac canh BC,CD,BD.
Tinh thé tich khéi da dién AMNP .
A. 124° B. 3a°. C.2a. D. .

Loi giai

Chon B
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D
/N
P
A C
M
B
Ta co: VD.APN _DP DN_l VB,APM _ BP BM _l VC.AMN _ M CN_l
"V, DB DC 4:V,,., BD BC 4;V., CB CD 4.

‘ 1 1(1 1(1
Ma V0 =Viser = Vourw = Veurss = Ve = ZVABCD = Z(E AB.AC.ADJ = Z(g3a.6a.4aj =3a’.

Céu 68: Cho hinh chdp S.ABCD c6 ddy ABCD 1a hinh thoi va c6 thé tich bang 2. Goi M, N lan luot
SM SN

1a cac diém trén canh SB va SD sao cho <5 = D =k . Tim gia tri ctia k& dé thé tich khdi chop
S.AMN bang é.
k=L B k=Y2 c.r=l p. k=32
8 4 4 2
Loi giai
Chon B

Viday ABCD lahinh thoinén S,,,, =S50 = Vs usp :%VS'ABCD =1.
Mit khac M:&&S_Nc;)
Vs sp SA SB SD

1 2 2

2
Suyra k’=—=k=— (dok>0). Viy k=—.1.
uy 2 2 ( ). Vay 1

—_— 2 4 J—
Veay =k, CO Vg iy ==
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1

Céu 69: Cho hinh chép tir giac S.ABCD c6 thé tich bang V. Lay diém A’ trén canh S4 sao cho S4'= 3 SA

Cau 70:

. Mt phang qua A’ va song song v6i day cta hinh chop cét cac canh SB, SC, SD lan luot tai B,

C’, D’. Tinh theo ¥ thé tich khdi chop S.4’B’C’D*?

A. K B. K C. L D. K
3 81 27 9
Loi gidi

Chon C

Ta co:
V. oo SA'SB'SC' (1Y 1

VS.ABC +VS.ACD = VS.ABCD ; S.A'BC _ :(_j -
Vewe SASBSC \3) 27

v. .. S4'sp'sc' (1Y 1 1

Iz:]:z =1 SD SC =(§J =E; Vswpen =Vsaso Vo :EVS.ABCD'

Cho tir dién ABCD c6 céac canh AB,ACva AD d6i mot vuong goc voi nhau. Goi G,,G,,G,va
G, lan luot 1a trong tdm céac tam giac ABC,ABD,ACDva BCD. Biét AB=6a, AC =9a,

AD =12a . Tinh theo a thé tich khdi tt dién G,G,G,G, .

A. 4a’. B. a’. C. 1084°. D. 36a’.

Loi giai

Chon A
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AG,G,G, dong dang véi AACD theo ti s6 %Vé nam trong hai mat phang song song.

Suc,6. = éSAABD =6a’. G,G,//AB va G,G, = %AB =2a. Vg0, = §G3G4.SAG]G263 =4a’.

Cau 71: Cho hinh chép S.ABC c6 day 1a tam gidc ABC vudng can & B, AC=a~2, SA 1(4BC),
SA=a.Goi G latrong tdm cia tam gidc SBC, mit phang (a) di qua AG va song song véi
BC chia khéi chop thanh hai phan. Goi ¥ 1 thé tich ctia khéi da dién khong chia dinh S . Tinh

V.
3 3 3 3
A3 B. 24 c. D. 2%
9 27 54 9
Loi giai
Chon C

Trong mit phang (SBC) ké duong thang qua G song song voi BC, cat SB, SC lan luot tai
B', C'.Khi d6 mat phang (@) tring véi mit phing (4B'C’).
Goi M, N lan luot la trung diém cua doan th'fmg BC, SB.
bat BA=BC =x>0. Theo dinh 1y Pitago trong tam gidc ABC vudng tai B, ta co:
AC? = BA* + BC? :>(a«/§)2 =xX+x=>x'=a"=>x=a.

2
Dién tich tam gidc ABC 1a: S ,, = %.BA.BC = “7
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: . 1 1 & :
Thé tich khoi chop S.4BC 1a: Vy jye = .8 54 = g.“?a =%.

SB' SC' SG 2

Ta lai co: = = ==,
SB SC SM 3
Suy ra: M=ﬁ.SB .SC =1_£,g=i_
Vs ise S84 SB SC 33 9
& 4 4 o 24°
Vi the, VS.AB’C’ :E‘VS.ABC :gz :_7
a 24 54°
Vay V =V, -V, —_—— =
ay sapc ~Vs.ape = 7 54

Cho tir dién ABCD c¢6 thé tich V. Goi E,F,G lan luot 1a trung diém cua BC, BD, CD va
M, N, P, O lan luot 1a trong tim AABC, AABD, AACD, ABCD . Tinh thé tich khdi tr dién
MNPQ theo V.
ALz B. L. c. p. ~.

9 3 9 = 27

Loi giai

Chon D

Ta c6 AMNP ~ AEFG va M:

EF

W | N

AEFG ~ADCB va E:l
DC

2

MN :l 0 S auwp
3

Do d6 AMNP ~ADCB va

g =—= SAMNP = §SABCD
ABCD

Mit khac d (Q,(MNP)) =%d(A,(BCD))

1

—V.
27

Suyra V., =
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Cau 73: Cho tir dién ABCD c6 thé tich bang 12 va G 14 trong tAm ctia tam giac BCD. Tinh thé tich V/
cua khéi chéop A.GBC

A V=3 B. V=4 C.V=6 D.V=5

Loi giai

Chon B

Cach 1:

Phén tich: to dién ABCD va khéi chop A.GBC c6 cing duong cao 1a khoang cach tir 4 dén
mit phang (BCD). Do G la trong tdm tam gidc BCD nén ta ¢6 Sysec = Sapan = Sacap

= Suscp = 38 56¢ (xem phan chimg minh).

Ap dung cong thuc thé tich hinh chop ta co:

! 1
Visep = gh'SABCD % gh.SABCD g
ABCD .
:>V == 1 :SAC :3:>VA.GBC:§VABCD:§-12:4-
AGEC —p.S, \GBC

VA.GBC = E h'SAGBC

Chung minh: Dat DN =4;BC=a.

+)MF//ND:E:C—M:l:MF:lDN:MF:ﬁ.
DN CD 2
) GE yMF—CE _BG _2 g 2yp_2h_"
MF BM 3 3 32 3
1 1
g ~DN.BC —ha
+) ABCD _ 2 _

= =3= SABCD = 3SAGBC
SAGBC lGE.BC lﬁa
2 23
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+) Chimg minh twong tw ¢6 Sysep = 3Sxg5p = 3Sugep = Susoe = Sasop = Sacap

Ta co (:(—=—=§3d(G;(ABC))=%d(D;(ABC)).

CAu 74: Cho tt dién déu ABCD c¢6 canh bé“mg 1.Goi M,N lan luot 12 trung diém cta cac canh AB, BC
va E la diém d6i xang véi B qua D.Mit phang (MNE) chia khéi t&t dién ABCD thanh hai
khéi da dién, trong d6 khéi chira diém A co6 thé tich V. Tinh V.

3 3 3 3
N 13424 . 724 . 24 D. 11324
216 216 18 216
Loi giai
Chon D
A

Tinh thé tich T ¢6 khéi tir dién ABCD. Goi F 1a trung diém BC va H trong tAm tam giac
BCD.

Ta c6 BF—i va BH—EBF— 4 suyra BH=+AB>-BH” =a %

V3
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Cau 76:
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2 3
Thé tich tir dién ABCD 1a T :%AH.SBCD :%aﬁ V3 _ a2

3 4 12
Goi dién tich mot mat ciia ttr dién 145. Goi P 1a giao diém cia NE va CD , tuong tu cho Q.

Ta théy P,Q lan luot 12 trong tdm cac tam gidc BEC va BEA nén pp = 1DC,QD - 1AD
3 3

Str dung cong thire ti s6 thé tich ta co:

VB ACE A V 1 1 T
—BACE _ D ngn Vo =2T; —EBMN — — ngp — 2T =2.
Vy.aco Ve sac FMY 2
" T 3
Nén VEAAMNC = VEAABC - VBAEMN =2T _E = ET'
1% 1 .
Tuong tu: —=25Q — 5 nén v, .= %T . Nén Vyero = T_%T = ST
E.DCA
3.8 11. 1122
Suyra V = VE.AMNC _VE‘ACPQ :E _§T :ﬁT = 216

Cho khdi chop S.ABCD cb day ABCD 1a hinh binh hanh va c6 thé tich ¥ =12. Goi M,N lan
lugt trung diém S4, SB; P 14 diém thudc canh SC sao cho PS =2PC . Mt phang (MNP) cit canh
SD tai Q. Tinh thé tich khdi chép S.MNPQ bang

L2 B. .. c. 2 12
18 3 3 25
Loi giai
Chon B

Ta cod PQ//CD:gzs—Pzg.
SD SC 3
Khi d6 ta co: Vsuwe _ SM SN.S—le.l.
Vope SA SB'SC 272

7 7
Vay V. =—V==.
Y Vs MmnPO 36 3
Cho hinh chép tir giac déu S.ABCD c6 tat ca cac canh bang 1. Goi G 1a trong tdm cuia tam giac

SBC . Thé tich khdi tir dién SGCD bang
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NpE B V2. B p. Y2,

— 36 6 36 18
Loi giai

Chon A

Goi O =ACNBD = SO 1 (ABCD), I latrung diém canh BC.
OC = g = SO =/SC*-0C* = % =V ep = %SO.SABCD = % :
1 2

VS‘DCI = Z VS.ABCD = E .

V2 V2

Vspcg _ SD SC SG _2 _z‘
3 24 36

- '_'___:>V :_V —
Vipey SD SC SI 3 §.DCG — 57 8.0l

Cho khéi chép S.4BCD c6 thé tich bang 1, ddy ABCD 1a hinh thang vé&i canh day 16n 1a 4D
va AD =3BC.Goi M la trung diém canh S4, N 1a diém thudc canh CD sao cho ND =3NC.

Mit phang (BMN) cit canh SD tai P. Thé tich khéi chép AMBNP bing

A3 B. . c. 2. D. 2.
8 2 16 32
Loi giai
Chon A

bat V="V, jcp =1
Goi I 1a giao diém cta BN vé6i AD,suyra P la giao diém ciia MI véi SD.
BC|| DI va ND =3NC = DI =3BC = D la trung diém cua Al

SP 2

Do d6 P latrong tam cua tam gidc SA/ = —= 3
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Cau 79:
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1 11 1 9
Ssew =ZSBCD :Z'ZSABCD =RSABCD; Sionv =Sy =9Spcn =ESABCD'
9
S v =Smep —Ssey —Supy =§SABCD. Suyra Vg . =§V; Ve ion =EV )
3 .
Vs msn =EVS.ABN =V, aw = EVS.ABN = EV,
12 3
Vs snp =5VS.ANP =V, avp =5VS.ANP = E'EVS.AND ZEV .

. 3
Do do VA.MBNP = VA.BMN + VA.MNP = gV =

0 | W

Cho hinh hép ABCD.A'B'C'D’ ¢6 thé tich bang V. Goi M, N, P lan luot 14 trung diém cua
cac canh AB, A'C’, BB'. Tinh thé tich khdi tir dién CMNP.

ALy B. L. v, D. 1y
8 48 = 48 6
Loi gii
Chon C

Goi G=CM NBD, I =PNNBD, O=AC~BD.Déthiy BP 1a dudng trung binh cia
AINO va G latrong tim AABC nén BG =§BO=§BI.

Vy.cur _ E 1 1

= == =V ==V .
VN'CMI NI o) CMN, 2 N.CMI
Pit S=5,,., va h 1 chiéu cao cta khdi hop ABCD.A'B'C'D’ . Ta c6
1
—d(B,MC).MC_BG—2 5

5
1 - = AIMC=ESABMC=E'

Saie S d(1.MC).MC G5

SABM Cc _

R 1 5
Vay Voyne = E View = &

Cho hinh chép S.4BCD c6 day 1a hinh binh hanh va c6 thé tich bang 48 . Trén canh SB, SD
léy cac diém M, N saocho SM = MB, SD =3SN . Mit phfmg (AMN ) cit SC tai P. Tinh thé
tich ¥ cuia khdi tir dién SMNP .

1

AV =—. B.V=l. C.r=2. D.V=1.
3 2 -
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Loi giai

Chon D

Ta co S—B+S—D—SA+SC<:>2+3=1+S—:>SC=4

SM SN SA SP
VS,MNP =lVS.MNP _lg SM SN _

11
Viasco 2 Vspep 2 SC SB'SD 24

Cho tir dién ABCD ¢6 DAB=CBD =90°; AB = a; AC = axJ5; ABC =135° . Biét goc giira hai
mit phing (A4BD), (BCD) bang 30°. Thé tich cta tir dién ABCD la

3
a

23"

>

B.

DL
6

5
5

a
=
S
=
I

V& AH 1 (BCD), H €(BCD).
V& HK//BC, K € BD,c6 BD L BC = HK L BD, ma AH 1 BD.

= BD 1 (AHK)= BD 1 AK .

Nén ((4BD),(BCD))= AKH =30°

V& HM //BD, M € BD,c¢b6 BC L BD = HM 1 BC ,ma AH 1 BC.
— BC L AM , c6 goc ABC =135°.

Suy ra ABM = 45° (nén B & gita M va C).

AAMB vudng tai M co ABM =45°.
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Suy ra AAMB vudng can tai B = AM = MB :ﬁ -4
V22
T giac BKHM 1a hinh chit nhat, nén BM = HK .
AAHK vuong tai H c6 AKH =30°. nén AH =25 = 9 g -4 =22
N3 J6
1 1

ABAD vuong tai A c6 AK la duong cao nén =t —.
AK® AB® AD

:%:L VoV o b p—av2 va BD=AB + AD” = a 3.
a

+
a’  AD? AD?*  24®

2 2
C6 BC=CM —BM , CM* = CA> — AM* =5a2_“7=9%
:>BC—3—a—i—a\/§
V2 2

1 3
Cov :%AH.SBCD :%AH.BD.BC =-2L a3a2 =%

66

3

a
Vay V="
y V==

Cho hinh chép SABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a trung diém SB. N la diém
thudc canh SC sao cho SN =2CN , P 1a diém thudc canh SD sao cho SP =3DP . Mit phfmg
(MNP) cit SA tai Q. Biét khéi chop SMNPQ c6 thé tich bang 1. Khoi da dién ABCD.OMNP

c6 thé tich bang
A.g. §.1—7. C. 4. D.E.
7 5 5
Loi gidi
Chon B

Page 58



Cau 82:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

SA SC SB  SD

Ta c6 —+—=——+—— (Tham khao bai tap 73 trang 64 SBT Hinh 11 nang cao).

SO SN SM SP
Do ddétacod &ZE

S4 11

VSMNQ SM SN SQ 2 1

TacO) —=—7——=—7"= SMNQ — _VSABCD'
wea  SB SC S4 11 11
) 3 , 5 22
Tuong ty: VSQPN = ZVSABCD' Do do6 VSMNQ + VSQPN = ZVSABCD = Veasen =—
" 17

Vay V iscp.omne = ?

Cho hinh chép S.4BC ¢6 SA L (ABC), tam gidc ABC déu, AB =a, gbc gitta SB va mit phing
(4BC) bang 60°. GoiM , N lan luot 1a trung diém ctia S4, SB. Tinh thé tich ctua khdi chop
S.MNC.

3 3 3 3
AL B. L. . @3 p. L.
8 4 12 16
Loi giai
S
M
y c
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Chon D
Taco: SA L (A4BC)

= AB 1a hinh chiéu cia SB 1én mit phing (A4BC)
= (SB,(ABC))=(SB, AB) = SBA= 60°.

SA = AB.tan SBA = a.tan 60° = a+/3 .

1 1 a*V3 a’
VS.ABC: SABC'SA_E' 4 a\/§:7
Ve SM SN SC_11_1
Vs SA SB S 22 4

1 1d o
= Vsame = Z'VS.ABC = TL
Cho hinh choép tir gidc S.ABCD c6 day 1a hinh vuong tdim O, S4 = a6, SA vuong goc voi day,
mit phang (SBC)tao voi day goc @ sao cho tang = J6.Goi Gla trong tam tam giac SCD .
Tinh thé tich khdi tir dién SOGC .

3 3 3 3
a Y6 g, £Y6 c. 96 p, &6
= 36 6 12 24
Loi gidi
Chon A
BC L AB
co: = BC L SB.
BC 154
(SBC) N (ABCD) = BC
Nhu viy BC 1 4B = ((SBC);(ABCD)) ~(4B:SB)=SBA=p.
BC L SB
SA a6
Trong tam giac SAB vudng tai A, tan =—<3x/_: & AB=a
g tam g vuong tai v=— B

Goi [/ 1a trung diém CD, trong tdim G cua tam giac SCD , G thude SI.

1 1, 1
C6 Vsoa =5 S4Ss0c =5 $4.2.10IC =

.a.

1
6
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Cau 85:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

_2a3\/g_a3x/g

SOGCZE SOIC_E 24 36

V.
Khi d6: —=22€ =

soic

SG 2 2
— ===
ST 3

Cho khéi hop ABCD.A'B'C'D' c6 thé tich V. Liy diém M thudc canh AA' sao cho
MA =2MA'. Thé tich ctua khdi chop M.ABC bang

AL B~ c. - .~
3 -9 18 6
Loi giai
Chon B

Thé tich hinh hop 1a V = B.h
1
Goi dién tich tam giac 4BCla B', ta co: B':EB )

Goi A'H la dudng cao ha tir A'xubng mat phang ddy: A'H L(ABCD) tai H,dat h=A'H .

Dung MK L(ABCD) tai K, ta c6 MK //A'H va ¢4 ti s6 MK _MA_2 (gt) = h'= 2,
AH AA 3 3
R s 1 , , oo, 1,11 _2 1 vV
Goi V 1a thé tich hinh chép M.ABC,tacéd: V'=—.B" 'h'=——B.—=h=—B.h=—.
3 32 3 9 9

Cho hinh lang try ABC.4'B'C'c6 thé tich 1a ¥ .Goi M la trung diém BB', diém N thudc canh
CC'sao cho CN =2C'N . Tinh thé tich khdi chop 4. BCMN theo V .

TV 7V V 5V

A. VA.BCMN = E B. VA.BCMN =T C. VA.BCMN = D. VA.BCMN = E

Loi giai
Chon B
Cach 1:

B’ A’
\ Cy
sl Y,
C
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, 1, 1
Taco: Vi, = E.d(B ,(ABC)).S\ 5 = 5V i

L BM 1
Theo cdng thure ty so6 thé tich: Vosue _ =— =V = E'VBAB‘AC =

1 V - K )
Vepse BB 2 6

W |~

1

2
, 3 3

Ta co: BB'zZBMzENC = BM:ZNC.

;.BM.d(C,BB')

Sanuc ;NC.d(M,CC )

%)

= ABMC —

MW

:>SBCNM :1+i_1 - VA.BCNM _ !

S suc 3 Vi suc 3

7 7V TV

Vay: V =—V = —=—
Y. V 4 e 3 aBMC T 30T e

Cach 2:
B’ A’
M
B A

C

Goi h,k lan luot 1a do dai duong cao cua hinh lang tru ABC.4A'B'C'va hinh chép A.BCMN , S
la dién tich tam giac 4BC.

=>d0 dai duong cao cua hinh chop M.ABC 12‘1:%

h o hS
Vise ==-—=8 =— (1).
v > . (D

Bc_g

1 hS
S= 2k Sspeu = kSsicn ==

Mat khac: V), =

| =

W | —
[\)

Ta cd Sy ne = %SABCM (vi 2 tam giac MNC va BCM c6 clng chiéu cao va CN = gBM ).

4 4 hS  2hS
Sasen =5 K Saseu =5 =5 @)

1,4 hS
'3 2

VAMNC = g'k 'SAMNC = g'k
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Cau 87:

CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

hS 2hS ThS TV
Tu (1) va (2)taco:V =V +V =t ==
( ) ( ) A.BCMN MABC AMNC 6 9 18 18
Cho khdi chép S.ABC c6 ASB=BSC =CSA=60°, SA=a, SB=2a, SC=4a. Tinh thé tich

khéi chép S.ABC theo a.

3 3 3 3
A 802 g 202 ¢, 402 ACE
3 - 3 3 3
Loi giai
S
A
M
B
C
sM_1
£ , o~ SB 2
Lay M €SB, N € SC thoaman: SM =SN=S4A=a = Pa—
SC 4

Theo gia thiét: ASB = BSC = CSA=60° = S.AMN 1a khéi tir dién déu canh .

3
, a*\2
Do do: Vs i :T.
V. SM SN 2a°~?2
Mit khac : 34N = — — Zl-l:l = Vs asc =85 ay = @y2 .
Ve se SB SC 24 8 3

Cho khéi chop S-4BC ¢4 goc ASB=BSC=CSA=60° 3y SA=2 SB=3 SC=4 Tné tich
khdi chop S-4BC

A 242, B. 2.3. C. 43. D. 32.

Loi giai
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B

Goi B' trén SB sao cho SB’:%SB va C' trén SC sao cho SC' :%SC.
Khi d6 S4=SB'=SC"=2 = S.AB'C" 1a khéi tir dién déu.

23

Ta co: AM:T:\B :AO:%AM_zf

Nén SO =+/54% - 40* = —v S we =3

Khi d6 ¥, o =<8,0.S0 = w2
' 3 3
. V. S4 SB SC
Ma ta lai co: S48 = — 2= 23V e =WV e =242
‘ VS'AB,C, SA SBy SC( S.ABC S.4AB'C
Cach khac:
Vs ise = SASBSC i _ cos? 45B cos® BSC - cos’ CSB + 2c0s ASB.cos. BSC.cosCSB = 242

Cho khéi tt dién ABCD c6 thé tich 2017. Goi M, N, P, Q lan luot la trong tAm ctia cac tam
gidc ABC, ABD, ACD, BCD. Tinh theo V' thé tich cua khdi tir dién MNPO.
2017 4034 8068 2017

A, —— B. ——. C.—. D. ——.
9 81 27 - 27

Loi giai
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

VABCD S BCD

(Do E,F,G lan luot 1a trung diém cua BC, BD, CD ).

Vaw SMSNSP 8 8, 81, 2,
VAEFG SE ° SE 'SG 27 AMNP 27 AEFG 27 '4 ABCD 27 ABCD
- 2 n VQMNP 1 1
Do mat phang (MNP)//(BCD) nén =5 Vouwp = EVAMNP
AMNP
1 2 1 2017
VQMNP :EE ABCD :2_7 ABCD :2—7-

Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh vuong canh a, S4=a va S4 vudng goc voi
day. Goi M 1a trung diém SB, N la diém thudc canh SD sao cho SN =2ND. Tinh thé tich
ctia khéi tir dién ACMN .

A.V=ia3 B.V=1a3. C.V:lcf. D.V=ia3.
12 6 8 36
Loi gidi
. , 1 a’
Cach 1. Tacod V pop ==SAS 5cp :?
1 11 (1, &
Vipac ZENH Sapac :E'Ea —da :ﬁ
1 la(l ,) o
VMABC:_MKSAABCZE'E Ea :E
a3
—d(A4,(SMN)).S BT
1 12 1 a a’
Suy ra VNSAM ZENL'SASAM :gga(5a5j2§
3
Mt khic V. g,y =~d (C,(SMN)).Sy5p =~ d (A,(SMN)).S 5y f_g
ad & a1 3

Vay Ve =V usen = Vasar = Vaave = Vise = Vsoy = 1
< y ACMN S.ABCD NSAM NADC MABC SCMN 3 1 8 1 8 12 l 8 12
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

S

Ciach 2. Goi O 1a giao diém cua AC va BD.

1 3
Ta e Vs ipep = S48 isen = % Vi OM//SD nén SD//( AMC).

Do d6 d (N;(AMC))=d(D;(AMC))=d(B;(AMC))

1 a’
= Viomw =Vvsac =Vosuc =Vasuc =Vipac = ZVS.ABCD - E

1 1
(do d(M;(ABC))zEd(S;(ABC))Va Suunc =5 e )

Cho hinh chop S.ABCD c6 day la hinh vuong canh a. Canh bén S4 vudng géc voi mat day va
SA=2a.Goi B';D'lan luot 14 hinh chiéu vudng goc ciia A trén cc canh SB,SD . Mit phing
(AB'D") cit canh SC tai C'. Tinh thé tich cta khdi chép S.4B'C'D’

NOYS

AL
3 4

D.
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN
2
ASAC vuong tai 4 nén SC* =S4 + AC* = (20:)2 +(a\/§) =6a” suyra SC =a6
Taco BC L(S4B)= BC L AB' va SB L AB' suyra AB' 1 (SBC) nén AB' L BC

Twong ty AD' L SC. Tird6 suy ra SC L(AB'D")=(A4B'C'D') nén SC L AC'

[ A2 4 2 2
Ma SC'.SC = SA” suy ra ¢ _3 > = a2 =—. Ta cling c6
SC SC° 6a” 3
SB'_S4* _ SA4* 4a® 4
SB  SB* SA*+AB* 4a°+a> 5
. Veipn 8 8 8 1 8 .
Tu (*) = VSABC :E suy ra VSAB'C' :EVSABC :E'EI/SABCD :EVSABCD ma
SABC
2a°
VSABCD = _SABCD SA4 = T
8 2a° 8da’
Suyra V., =—  —=—
VI Psae T30 T3 T s
1 3
i (1) suy 1@ Vy e =25 ire =g

Cho tir dién déu ABCD c6 canh bﬁng 1. Trén c4c canh AB va CD lan luogt léy cac diém M va
N sao cho MA+MB=0 va NC =-2ND . Mit phing (P) chita MN va song song v6i AC
chia khdi tr dién ABCD thanh hai khéi da dién, trong d6 khéi da dién chira dinh A4 c6 thé tich
la V. Tinh V.

av=2 B y=1V2 B2 g
18 - 216 216 108

T N ké NP//AC, N € AD

M ké MQ//AC, Q e BC.Mit phing (P) 1a MPNQ

, 1 V2
Taco VABCD ZEAH‘SABCD :E

V= VACMPNQ = VAMPC + VMQNC + VMPNC
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i AM AP 12
Taco VAMPC =E.E.VABCD =E§

Visep = g Visco

1 _1CQ CN

11 2
VMQNC 2 AONC — 2 CB CD ABCD 555

ABCD 2 VABCD

2 21 2 1 AM 211 1
VMPNC VMPCD _E'EVMACD :E'EA_'VABCD _E'EEVABCD :gVABCD
. 1 1 1 11 1132
Vay V = (§+g+§jVABCD =V :EVABCD :2—16'

Cho hinh chép tir gidc S.4BCD déy 1a hinh binh hanh c6 thé tich bang V. Liy diém B’, D'lan
luot 13 trung diém ciia canh SBva SD . Mit phing qua (AB’D') cit canh SCtai C'. Khi d6 thé
tich khdi chop S.4B'C'D’ bang
3
AL B. 2. c . p. =
3 3 3 6
Loi giai
Goi O 1a giao diém cta hai dudng chéo AC va BD thi SONB'D' = H . Khidé H 1a trung
diém cta SO va C'=AH N SO.
Trong mit phiang (SAC): Také (d)/AC va AC' cét (d) tai K .Khido6 ép dung tinh dong
dang cua céac tam giac ta co: O—H=% 1= SK=04= SK =l; SK = 5¢ :l<:>
SK AC 2 AC cCC' 2

sC' 1
sC 3

\ 1 Vo, Ve SA SB" SD' 1 1 .
ViV sp =Vssep = E'VSAABCD = B3 nen ta co ﬁ = S_AS_B D = 2 = Vsapp = nga
Viwcr _SB' SC' SD'_1 SC' sC' v

Vewo SB SC SD 4 sC 7 TsCR

V
Suyra Vs ypen =Vsapp +Vsger =3 sc)” 6

1 SC’V V(HSC’j
8 SC 8 8
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

Cho hinh choép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, S4 vuong goc véi day,
SA = a2 . Mot mit phing di qua 4 vudng goc voi SC ciat SB, SD, SC lan luot tai B', D',
C'. Thé tich khéi chop SAB'C'D’ 1a:

2a3x/§ 2a3x/§ a3\/§ 2a3x/§

AV = . B. V= . C.V= D. V= .

9 3 = 9 3
Loi giai

1
Taco: Vs wep =§.a2.a 2 =

Taco AD' L (SDC) = AD' L SD; AB' 1 (SBC) = AB' L SB.
Do SC L(A4B'D')= SC L AC'.
Tam gidc SAC vudng cantai 4 nén C' l1a trung diém ctua SC.

SB' SA* 24°
SB SB* 3d’

Trong tam giac vudong SAB' ta co

2
N

21
32 3

Vswser Voawe HVsaen 1 (SB’ SC’ . SD' SC’) _SB' SC’
SB SC SD SC) SB SC

KQ.ABCD VS.ABCD 2
3
A a2
Vay Vepen :T-
Cho khdi tir dién déu ABCD co6 thé tich 1a V. Goi M, N, P, Q lan luot I3 trung diém cua
AC, AD, BD, BC. Thé tich khéi chop AMNPQ la

AL B. L a V2

6 N =4 3
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C

Ta ¢6 Vunnp = 2V spuo (do MNPQ 13 hinh thoi), 4B // MO =V 10 = Voo

Mit khic do P 14 trung diém cia BD nén d(P,(ABC)):%d(D,(ABC)), dong thoi

1 1 1

Ssou =7 Susc = Varu =§d(P,(ABC)).SBQM =gd(D,(ABC)).

SAB C

N

11 4 4
= g.gd(D,(ABC)).SABC =5 = Vo =7

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, S4=a va SA vudng goc voi
day. Goi M 1la trung diém SB, N thudc canh SD sao cho SN =2ND. Tinh thé tich V' cua

khdi ter dién ACMN .

AV =Ldd B. V=14, C.V=_d. Q.V:icﬁ.
8 6 36 12
Loi giai
Cach 1: Phan ra hinh:
A L7 A , \ 1 3 a3
Theé tich khoi chop S.ABCD 1la: Vzg-a =—.
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5
M
N
C
2 s
a i M
A B i ;
s &
C -
A
Thé tich t&r dién SMNC la: V, 21y 211, 1,
4 SMNC 3 2 S.BDC 3 2 2 6
2., L 1A \ 11 1
Thé tich tir dién NACD 1a: V. ZEEVZEV
X . C 1A R 11 1
Thé tich tir dién MABC 1a: V), ;o =— =V ==V
2 2 4
. 21 211
The tich t& dién SAMN 1a: V. =—-—=V, ==._._ V=—V
¢ SAMN 3 2 S.BDC 3 2 2

Mat khac ta c6: Ve +Viuen T Vise +Voaw Ve =Vs.asen

3
a

V=—.

1 1 1 1 1
Suyra V =V —=Vane+Vviern +Vipne + V- =V V+=V+—V+=V |=—
Yy AMNC ( sunc TV nacp T ¥V masc SAMN) ( 6 6 1 5 j 4 D

Cho khdi hop chit nhat 4BCD.A'B'C'D’ c6 thé tich bang 2110 . Biét A'M = MA, DN =3ND',
CP =2C'P nhu hinh v&. Mat phang (MNP) chia khdi hop da cho thanh hai khoi da dién. Thé

tich khdi da dién nho hon bang

n c’
| N
A 1P
1
M- |
i ﬂl —————————————————————— C
A B
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CHUYEN PE V — HINH HOC 12 — KHOI PA DIEN — THE TICH KHOI PA DIEN

A 5275. B. 8440. C. 7385 D. 5275.
- 6 9 18 12
Loi giai
.._1 DF
| N
[} | e
B i
P
0 Apomo D
B ¢

Goi Q la giao diém cua mit phing (MNP) véi BB'.

., AM c'P D'N
Gia su =x, =y, =
AA'

B’ s
-=z, Q,:t.Kh1d0x+y=Z+t.
DD BB
Vispon  X+z+t N Vispoy _ X+z+t
6

VA'B’D'.ABD 3 VA'B’C'D’,ABCD

VC,B,D,'PQN _ytz+t N VC'B'D’,PQN _ytz+t
6

VC'B'D’.CBD 3 VA'B’C’D'.ABCD

V, S
— MNPQ.A'D'C'B =l(x+y)

VABCD.A'D'C'B’ 2

VMNPQ.A'D'C'B’ 1 (A'M C'P) 1 (1 N lj 5

+ 4=
Visco ey 244" CC') 2\2 3) 12
S 5275

Cho hinh chop S-4BCD ¢4 dgay ABCD 13 hinh binh hanh c6 thé tich bang V' . Goi E l1a diém
trén canh SC sao cho £C=2ES  Goi () 1a mat phing chira AE va song song véi BD, (@)

cét SB,SD lan luot tai hai diém M, N . Tinh theo V' thé tich ctia khdi chop S-AMEN

A2 B L. c.L. . L.
8 6 16 9

Loi giai
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Goi G 1a giao diém cua AE va SO.

Ap dung dinh 1y Menelaus cho tam giac SOC ta co: ﬂ.g.ﬁzl = Q:I
AO GS EC GS
SG_1_ SM_SN_1
S 2 SB SD 2
Taco: Lsawe _ Vo | Vsay 1311, 1,11 1
Wsse Voup 2 23 2 23 6

. 1

Vay Vs iy = g V.

Cho khéi hop chit nhat ABCD.A'B'C'D’ c6 thé tich bang 2110 . Biét A'M = MA; DN =3ND';
CP=2PC’. Mit phang (MNP) chia khdi hop da cho thanh hai khoi da dién. Thé tich khéi da

dién nho hon bang
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Ta cb: Vipo ascn _ I(A'M c'p 1 1 1) 5
a co: - S |==.
2\ 44 cc) 2\273) 12

ABCD.A'B'C'D'

2 2 2110=22"
2 6

Vo = VMNPQ.A’B’C’D' = B ABCD.A'BCD' —
Céau 99: Cho khéi ling tru ABC.A'B'C’ ¢c6 thé tich bang 2018. Goi M 1a trung diém AA4'; N, P lan lugt
14 cac diém nam trén cac canh BB', CC' sao cho BN =2B'N, CP =3C'P . Tinh thé tich khdi
da dién ABC.MNP.
32288 40360 4036 D 23207

A ————. B. ——. C.—— —_—
27 27 3 18

) I(AM BN CP) 23 23207
Ta co =

VABCMNP
A = + + =—.VayV
3\ 44 BB CC') 36 W Tascae =g

ABC.A'B'C'
Cau 100: Cho hinh ling tru ABC.A'B'C’ ¢6 thé tich bang 64> . Cac diém M, N, P lan luot thudc cac
AM 1 BN CP 2

canh AA', BB', CC' sao cho —=—, = =Z. Tinh thé tich V' caa da dién
AA" 2 BB CC' 3

ABC.MNP
1
27

1
18"

A V' = D.V'=

Lay diém Q e 44’ sao cho PQ//AC .

Tacé MO =AQ— AM :%AA’.
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X ok 1
Dé thay V,zc ynp = E'VABC.A’B’C’ ) VM.QNP = E'VABC.A'B’C’ .

R , 11 11
Vay Vo=V peamp — VM.QNP = ﬁV = ?a3 .
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