Trdn Si Ting PP toa dj trong mdt phing

TPP 05: TU GIAC

Caul. Trong mit phang toa dd OXy, cho hinh thang vuéng ABCD vudng tai A va D c6 day 16n 1a
CD, duong thing AD c6 phuong trinh d :3x—y=0, duong thang BD c6 phuong trinh
dy:x—2y=0, gbc tao boi hai duong thang BC va AB bang 45°. Viét phuong trinh duong
thang BC biét dién tich hinh thang bang 24 va diém B c6 hoanh d6 dwong.

e D=d,nd,= D(0;0)=0. VIPT ciia dwong thing AD va BD lan luot la i, =(3;-1),

fi, = (1;-2). Ta cé: cos ADB =L ADB=45" = AD =1B.

J2
Vi (BC,AB) =45" nén BCD =45° = ABCD vuéng cin tai B = DC = 2AB.

3.AB?

1
Sppcp =24 &> S (AB+CD)AD =

—24 = AB=4 = BD=42.

2
xlzg J{X—B] =4\/5<:>x3 =@:} B(@,@J

X —_—
Goi B| x,;=8 |ed,,x >O.|BD|=
' (sz 2B 2 575

Puong thang BC di qua B va vudng géc voi dy =Phuong trinh BC la: 2x+y— 4\/5 =0.

Cau 2. Trong mat phrfmg vo1 hé t(_)avd(f) Oxy, cho hinh thang‘ can ABCD (AB// 7CD, AB < CD). Biét
A(0; 2), D(-2; -2) va giao diém I cia AC va BD nam trén duong thang c6 phuong trinh

d:x+y—4=0.Tim toa dj cta cac dinh con lai cia hinh thang khi goc AOD = 45,

elcd=I(x:4—x). AD =25 TA=\2x* —dx+4: ID =2x2 —8x +40

2 2 2
TmmgAMDch-m‘+H) AD =amAM):>x_2
2IA.ID x=4

+ Vo x=2 =IA=2 ID=42 :E:—%E

= B(2+2:2442), c(2+442:2+442)
+Vsi x=4 = B(4+3v2;242), c(a4+42;242).

Cau 3. Trong mit phang véi hé toa dd Oxy, cho duong tron (C): (x — 1)2 +(y+ )% =2 va 2 diém
A(0; —4), B(4; 0). Tim toa d6 2 diém C va D sao cho dudng tron (C) ndi tiép trong hinh thang
ABCD c¢6 day la AB va CD.

e (O):(x—1)2+(y+1)? =2 c6 tam I(1;—1) va R=+2.

PT canh AB: x—y—4=0.PT canh CD co dang: x—y+c=0; c#—4
1+1+¢]
2
Nhén thdy cdc dwong thang x =0, x =4 khéng phdi la tiép tuyén ciia (C).

Gia sw phuwong trinh canh AD co dang: kx—y—4=0 (k #1).

Ta co: d(I,AD):R<:>|k—3|:\/2(k2+1) Sk +6k—-T=0k=-7

= PT canh AD: Tx+y+4=0 = D(_?l,_?lj PT canh BC: x+7y—-4=0 = C(%,%j

CD tiép xiic véi (C) = d(1,CD) = R < =2 & c=0 = PTcanh CD: x—y=0

Cau4. Trong mit phang voi hé toa dd Oxy, cho hinh binh hanh ABCD c6 dién tich bing 4. Biét
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A(1; 0), B(0; 2) va giao diém I cua hai duong chéo nim trén dudng thang y = x . Tim toa do
cac dinh C va D.

e Ta co: A—B=(—l;2):>AB =\/§. Phuwong trinh AB: 2x+y—-2=0.
le(d):y=x=1(t;1).|latrung diém cia AC va BD nén: CQ2t-1;,2t), D(2t;2t —2)

Mt khic: S, pep = ABCH =4 (CH: chiéu cao) = CH = ——

N

Neodi ra: d(C;AB)zCH@M:iQ IZ%ZCG;E]’D@;Q
\/g \/g t=0= C(-1;0),D(0;-2)
. 58 8 2 .
Vay C(g;gj,D(g;gj hodac C(-1;0),D(0;-2).
Cau hoi twong tu:
a) Voi S pep =4, A2;0),B(3;0), I=ACNBD, led:y=x.
DS: C(3;4);D(2;4) hoac C(-5;—4);D(-6;—4).
b) Voi S ,pep =4,A0;0),B(-1;2), I=ACNBD, Ied:y=x-1.

DS: C(2; 0), D(3; —2) hodac C _—2,_—8 , D l,_—14
3 3 33

Cau 5. Trong mit phang toa dd OXy, cho hinh binh hanh ABCD c¢6 hai dinh A(0; 1), B(3; 4) nam

trén parabol (P): y= x*—2x+1, tim I ndm trén cung AB cua (P). Tim toa d§ hai dinh C, D
sao cho tam giac IAB c6 dién tich 16n nhét.

o[ nam trén cung AB ciia ( P) nén I(@;a* —2a+1) véi 0<a <3
Do AB khéng déi nén dién tich AIAB 16m nhdt khi d(I,AB) I6n nhat
Phuwong trinh AB: x—y+1=0.

2 _ _ 2 2
d(1.AB) = |a a +2a 1+1|:| a +3a|: a” +3a (doa (0:3))
5 N
—d (I, AB) dat GTLN < f(a) =—a* +3a dat GTLN < a=% = 18;%}

. 1
Do I la trung diém cua AC va BD nén ta co C(?’;_E); D(O;—%) :

) . 1
Cau 6. Trong mat phang vdi h¢ toa do Oxy, cho hinh chir nhat ABCD c6 tam [ (E;Oj . Puong

thfmg chira canh AB c6 phuong trinh x—-2y+2=0, AB = 2AD. Tim toa d) céac dinh A, B,
C, D, biét dinh A c6 hoanh d6 am.

e A(-2;0), B(2;2), C(3;0), D(-1;-2).

Cau7. Trong mit phing v&i hé toa dd Oxy, cho hinh chit nhat ABCD. Biét AB=2BC, duong

thang AB di qua diém M (—%;lj , dwong thang BC di qua diém N(0;3), duong thang AD di

qua diém P£4;—%j , duong thing CD di qua diém Q(6;2). Viét phuong trinh cac canh cta
hinh vuéng ABCD.
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e Dé thdy dwong thang AB khéng song song véi truc Oy = PT AB c¢6 dang: v = k(x + %) +1.

= Phuong trinh DC: y=k(x—6)+2,BC: x+ky—3k=0, AD: x+ky—4+§:0.
‘4—k—3k‘ ‘—4k—1—6k+2
Vi AB=2BC nén d(P,BC)=2d(M,DC) <3 1_13
N N
k=1
10k —12 =6-44k - 3
10k—12 =44k -6 k——il
17
+ Voi k=l thi AB:y=lx+E, DC:y=lx, BC:x—ly—1=O, AD:x+ly—£=O
3 3 9 3 3 3 9
+ Voi k=—i thi AB:y=—ix+£, DC:y=—ix+5—2,
17 17 17 17 17
BC:x—iy+2=0, AD:x—iy—ﬂ=O
17" 17 177 17

Cau 8. Trong mait phéng voi hé¢ toa do Oxy, cho hinh chir nhat ABCD c6 cac canh AB, BC, CD,
DA lan luot di qua céc diem M(4;5),N(6;5),P(5;2),0(2;1) va dién tich bang 16. Viét
phuong trinh cac canh cua hinh chit nhat ABCD.

o PT canh AB c6 dang: a(x—4)+b(y—5)=0 (a2 +b% 2 0).
= PT canh BC: b(x—6)—a(y—5)=0.
la—3b |-4b+4dl

. 16
\/a2 +b? \/a2 +b?

Dién tich hinh chir nhat: S =d(P,AB).d(Q,BC) =

a=-1,b=1
& (@=3b)a-b)|=4d*+b*) & 1
Cl:—g, b:1

Vay: AB:—x+y—1=0 hogc AB:—x+3y—11=0. Tw do suy ra PT cac canh con lai.

Cau9. Trong mit phang v6i hé toa dd Oxy, cho hinh chir nhat ABCD c6 phuong trinh canh AB:
x—2y—-1=0, duong chéo BD: x—7y+14=0 va duong chéo AC di qua diém M(2; 1). Tim
toa dd cac dinh cua hinh chir nhét.

e B=BD N AB= B(7;3). PT dwong thang BC: 2x+y—17=0.
AeAB= AQRa+1;a),C e BC = C(c;17—-2c),a#3,c#7.
I(2a+c+l.a—2c+17

b

2 2
le BD < 3c—a-18=0<a=3c—-18= A(6¢c—35,3¢—18)

j la trung diém ciia AC, BD.

M, A, C théng hdng < MA,MC ciing phitong = ¢ —13¢+42=0 [ifg (logi)
Véic =6 = A(L; 0), C(6; 5) , D(0; 2), B(7; 3).

Cau hoi twong tu:

a) (AB): x—y+1=0, (BD):2x+y—1=0, M(~L1).

ps: A(—l;%),B(O;l),C(l;O),D(%;—lj
33 3

3
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Céu 10. Trong mat phrfmg vo1 hé toa do Oxy, cho hinh chir nhat ABCD co6 dién tich bﬁng 12, tam 1
thudc duong théng (d):x—y—3=0 vacohoanh dd x, = %, trung diém cua mot canh 1a giao

diém cua (d) va truc Ox. Tim toa d0 cac dinh cta hinh chir nhat, biét yu>0.

o I(%%) . Goi M =d N Ox la trung diém ciia canh AD, suy ra M(3,0). AB=2IM = 3\/5 .

S
Sascp =ABAD =12 & AD ==A0CD =~ = =242
3J_
AD 1(d) ‘ . Al
{M cAp ' SWTa phuong trinh AD: x+y—-3=0.

Lai co MA = MD = \/5 Vay toa do A, D la nghiém cua hé phuwong trinh:

x4y—3=0 — -
{ y Q{y e DT ot ¥4 vy i), b,

Jax=32+y2 =2 7 l(x-37 4y =2 7 y=1
_XaTXc

1 2 3 la trung diém cia AC, suy ra: 2 S lfeT T ) 7
22 _YatYe  e=2ymya=3-1=2

=2
Twong tir I ciing la trung diém BD nén ta c6: B(5;4).
Vay toa do cac dinh cua hinh chir nhat la A(2;1),B(5;4),C(7;2),D(4;—1).
Cau hoi twong tu:
a) Gia thiét nhu trén véi tam I =d,Nd,, d;:x-y-3=0va d,:x+y—-6=0, M=d, NOx
DS: . A2;1),B(5;4),C(7;2),D(4;,—1).

Cau 11. Trong mit phang v&i hé toa do Oxy, cho hinh chir nhat ABCD c6 diém I(6; 2) la giao diém
ctia 2 dudng chéo AC va BD. Diém M (1; 5) thuoc duong thing AB va trung diém E cua canh
CD thudc duong thing A: x +y—5=0. Viét phuong trinh duong thang AB.

el (6;2);M(1;5). A:x+y-5=0,E e A =E(m; 5—-m); Goi N la trung diém ciia AB.

=2x;,—xp=12-m
=2N@2-m;m-1)
Yy =2y, —yp=4-5+tm=m-1

3 xN
| trung diem NE =
MN =(1=m:m—6) : IE =(m—6.3—m)
MNIE=0 < (1—m)(m—6)+(m—6)3-—m)=0 <= m=6; m=17
+ m=6= MN =(5,0) = (AB):y =5

+m=7= MN=(41) = (AB):x—-4y+19=0.
Cau hoi twong tir:
a) Voi 1(2;2), M(-3;1), E€A:x+2y—-4=0. DS: x—y+4=0 hoac 4x—-Ty+19=0

Céu 12. Trong mat phéng vo1 hé toa do Oxy, cho hinh chit nhat ABCD c6 cac duong théng AB, AD
lan lugt di qua cac diem M(2;3), N(—1;2) . Hay 1ap phuong trinh cac duong thang BC va CD,

bibt ring hinh chit nhat ABCD c6 tam la I (ggj va d¢ dai dudng chéo AC bing /26 .

o Gid st duong thing AB co NTPT la 7, = (a;b) (a* +b* #0), do AD vuéng goc véi AB nén
dwong thang AD c6 vipt la 7, = (b;—a) . Do dé phwong trinh AB, AD lan luot la:
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AB:a(x—-2)+b(y—3)=0; AD:b(x+1)—a(y—-2)=0.
la 3] 176 +dl

———; AB=2d(I;AD) = ——
\)a2+b2 \/a2+b2

Ta co AD =2d(I;AB) =

a2 2 a=-b

Do dé: AC* = AB* + AD? 26 = ¢ 3b)2+(72b+“) o3d —ab-4b*=0<|  4b
a +b a=-

3

Goi M, N' lan lwot la diém doi xitng ciia M, N qua I suy ra M'(3;0) € (CD), N'(6;1) e (BC)
+Néu a=-b, chon a=1,b=—-1suyra ii,, =(L;-1), i, =(11)

PT duong thang CD c¢6 VTPT la i, = (,—-1) va di qua diém M'(3;0): (CD):x—y—-3=0
PT duong thang BC c6 VTPT la ii,;, = (1;1) vd di qua diém N'(6;1): (BC):x+y—7=0

+ Néu a:%, chon a=4,b=3 suyra ii,, =(43), ii,;, =(3;-4)

PT duong thang CD c6 VTPT la i, = (4;3) va di qua diém M'(3;0):(CD):4x+3y—-12=0
PT duong thang BC c6 VTPT la i, = (3;—4) va di qua diém N'(6;1):1(BC):3x—4y—14=0
Vay: (BC):x+y-7=0,(CD):x—y-3=0

hodc (BC):3x—4y—14=0, (CD):4x+3y—-12=0.

Cau 13. Trong mat phéng voi h¢ toa do Oxy, cho hinh thoi ABCD c6 canh béng 5 don vi, biét toa
do dinh A(1; 5), hai dinh B, D nam trén duong thang (d): x—2y+4=0. Tim toa d§ cac dinh
B, C,D.

B,Ded

AB - Ap 5 = B(2:1),D;5).

o C doi xirng véi A qua dwong thang d = C(3; 1). {

Cau 14. Trong mit phing toa dd Oxy, cho dudng thing A: x+y—1=0, cac diém A( 0;-1), B(2; 1).
T gidc ABCD 14 hinh thoi c6 tdm nam trén duong théng A. Tim toa do cac diém C, D.

e Goi I(a; b) la tam cua hinh thoi. Vi Ie Anéna+b—-1=0hayb=1-a (1).
Taco: Al =(a;b+1)va Bl =(a—-2;b-1).

Do Al LBl = a(a-2)+(b+1)(b-1)=0 2)
Tir(D)va(2) = a*-2a=0ca=0va=2.

e Véia=0thil0, 1) =C(0;3) va D(-2;1). eVéia=2thil2;-1) = C(4; -1) va D(2; -3).
Vay co6 hai cap diem thoa man: C(0;2) va D(-2;1) hoac C(4,—1) va D(2,;-3).

Céu 15. Trong mat phfmg v6i hé truc toa do Oxy, cho hinh thoi ABCD véi A(1;0), duong chéo BD
c¢6 phuong trinh d: x —y+1=0. Tim toa do cac dinh B, C, D, biét BD = 4\/5 .

e AC L BD = Phurong trinh AC: x+y—1=0. Goi I =ACBD = I(0;1) = C(-12)

BD=4\/5 = IB=2\/5. PT dwong tron tam I ban kinh IB=2\/5: x2 +(y—1)2 =8

2 2 2 . 9. _
Toa d6 B, D la nghiém ciia hé - 1%~ +(y=1) =8 5 Jx* =4 @{3(2’3)’13( Z-1)
e ye1=0 y=x+1" | B2-1),D2:3)

Cau 16. Trong mit phang toa do Oxy, cho hinh thoi ABCD biét phwong trinh cia mot duong chéo
la d:3x+y—7=0, diém B(0;-3). Tim toa d¢ cac dinh con lai cua hinh thoi biét di¢n tich
hinh thoi bang 20.
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eTaco B(0;-3)gd =A,C ed. Ph.trinh BD: x-3y—-9=0. Goi | =ACNBD = 1(3;-2)
= D(6:—1). BD =210 Goi A(a;7—3a)ed.

A[(2:1);C (4,-5)
Ay (4,-5);C,(2;1)

S =d(A,BD).BD:>|“_3(7_3“)_9|.2JB=20 o|2=2 5
ABCD NS a=4

Céu 17. Trong mat phéng voi hé toa do Oxy, cho hinh thoi ABCD c6 tam 1(3;3) va AC =2BD.
. 4 , ,, , y
biém M (2;5] thudéc duong thang AB, diém N [3;%) thudc duong thang CD. Viét

phuong trinh duong chéo BD biét dinh B ¢ hoanh do nho hon 3.

e Toa do diem N’doi xung voi diem N qua I la N'(3;§j = N’"nam trén dwong thang AB.

Puong thang AB di qua M, N’c6 PT: x—3y+2=0 :>IH=d(I,AB)=|3_9+2|= 4
Jio +io

Do AC =2BD nén IA=2IB. Pit IB=a>0. 12+ 12= L oL, Se.o2
A2 IB* IH?* & 44® 8
Dat B(x;y). Do IB:\/E va B e AB nén toa do B la nghiém cua hé:
2 2 )C_&
(x=3) +(y-3) :2©{5y2—18y+1620<:> 5 {x=4>3
x=3y+2=0 x=3y-2 y=3 y=2

5
14,
5’

Do x; <3 nén ta chon B[

W | o0

j . Vay, phuong trinh dwong chéo BD la: Tx—y—-18=0.

Cau hoi twong tu:

a) 1(2;1), AC=2BD, M(O;%j, N(@0;7), x5 >0. DS: B(1;-1)

Cau 18. Trong mit phang v&i hé toa do Oxy, cho hinh thoi ABCD c6 dudng chéo BD nam trén
duong thing A:x—y—-2=0. Diém M(4;—4) nam trén duong thang chua canh BC, diém
N(=5;1) nam trén duong théng chtra canh AB. Biét BD = 8\/5 . Tim toa d6 cac dinh cua hinh
thoi ABCD, biét diém D c6 hoanh d am.

e Ldy M’la diém déi xing véi M qua BD = M'(=2;2).

Puong thang AB qua N(=5;1) va M'(=2;2) = Phuwong trinh AB:x—3y+8=0.
x—-y—2=0
x—-3y+8=0
Gid sir D(d:d-2)e A, do BD=82 < (d-7)> +(d-T7)> =128 & d =—1 = D(-1;-3).
Goi I la tdm ciia hinh thoi = I(3;1), khi d6 dwong thang AC qua I va vuéng géc véi BD

= Phuong trinh AC:x+y—-4=0.

Toa do diém B la nghiém cua hé: { = B(7;5).

x+y—-4=0

x_3y+8=0:>A(1;3) = C(5;-1).

Toa do diém A la nghiém cua hé: {

Céiu 19. Trong mat phing voi hé toa dd Oxy, cho hinh thoi ABCD c6 phuong trinh hai canh AB va
AD lan lugtla x+2y—-2=0 va 2x+y+1=0. biém M(1;2)thudoc duong thang BD. Tim toa
d6 cac dinh cua hinh thoi.
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e Toa do dinh A la nghiém cia hé: x+2y—2=0:>A —i;é
2x+y+1=0 33

PT cac dwong phan giac goc A la:

x+2y-2  2x+y+l {(dl):x—y+3=o
J5 N (dy):3x+3y-1=0"
* Truong hop (d;):x—y+3=0.

Puwong thang (BD) di qua M va vudng géc véi (d;) nén (BD):x+y-3=0.
Suyra B=ABNBD = B(4;,—1), D=AD NBD = D(—4;7).

Goi 1 =BD N (d)) = 1(0;3). Vi Cdozangva qua I nén C(% ?j

* Truong hop (d,):3x+3y—1=0.
Puwong thang (BD) di qua M va vudng géc véi (d,) nén (BD):x—y+1=0.

Suyra B=ABNBD = B(0;1), D = ADmBD:D(—% %)
12 2 1
Goi  =BDN(d,)) =1 —55 VlCdozangvaqualnenC g—g .

4.5 4.13 .

hodc A —i;é , B(O;1), C 2;—l ,D(—%;lj
33 33 33

Cau 20. Trong mit phang v&i hé toa dd Oxy, cho hinh thoi ABCD ngoai tiép dudng tron (C) co
phuong trinh (x—2)> +(y+1)> =8 va diém A thudc duong thing (d): x—2y+3=0. Tim toa
d6 cac dinh A, B, C, D, biét rﬁng BD =2AC vahoanh d0 cua diém A khong nho hon 2.

o (C) c6 tam 1(2:—1), ban kinh R=2+2, IB=2IA.

Trong tam giac vuong IAB ta co: 12 + 12 = 12 = > 5 =l:IA:\/B:> IB=2\/B.
IA° IB* [H- 41A~ 8

Gid sir AQt -3ty ed va x, >2. Tacé IA=10 &2t —52 +(t+17 =10 < 1=2

Suy ra A(1;2), do I la trung diém AC nén C(3;—4).

Goi A la dwong thang qua I va vuéng géc véi AC = A:x-3y—5=0.

TacoB, D e Ava IB=ID = 2\/53 Toa do cua B, D la cac nghiém cua hé:

{?_3;);5 (: 0 Va0 © B B 8;4y y=1 5 = B@D).D(~4-3) hode B(~4:-3), D(8:1).
xX=2)"+(y+D)" = =—4y=-

Vay: A(1;2),B(8;1),C(3;—4), D(—4;-3) hodc A(1;2), B(—4;-3), C(3;—4), D(8;1).

Cau 21. Trong mat phfmg véi hé toa do Oxy, cho hinh vuéng ABCD c6 tam [ (%,%) , hai diém A,

B lan lugt ndm trén cac dudng thing d :x+y-3=0 vaduong thang dy:x+y—-4=0.Tim
toa do cac dinh cua hinh vudng.

e Gid sit A(a:3—a)ed,;B(b4—b)ed, :IA—(d—% %—aj— (b_g %_bj
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A N ” IA:IB a:Z Clzl

ABCD tam 1 =
vuong tam I nén {IA.IB 0 & {bzl v {b:?)
eVéia=2;b=1=A(2;1);B(1;3), C(3; 4); D(4; 2).
eViéia=1;b=3=A(; 2); B(3; 1), C4; 3); D(2; 4).

Cau 22. Trong mit phang toa do Oxy, cho hinh vuéng ABCD ngoai tiép duong tron (C):
(x—=2)? +(y—3)> =10. Xéc dinh toa d6 cac dinh A, C cua hinh vudng, biét canh AB di qua
diém M(-3; —2) va diém A c6 hoanh d6 xa> 0.

o (C) ¢6 tam I(2; 3) va ban kinh R =10

PT AB di qua M(=3; -2) ¢6 dang ax+by+3a+2b=0 (a*>+b> #0).

2a+3b+3a+ 20l
\/aerb2

e Vi a=-3b = AB: 3x—y+7=0. Goi A(t:3t+7),(t>0).

Ta co IA=R\/5 = t=0;t=-2 (khong thoa man).

e )oi b=-3a = AB: x—-3y—-3=0. Goi AGBt+3;t), (t>-1).

=1
=—1 (loai)

a=-3b
b=-3a’

Ta c6 d(I,AB)=R < 10 = & 10(a® +b%) =25(a + by @[

Tacé IA=R2 = {ft = A®6: 1) = C(-2; 5).

Cau 23. Trong mit phang Oxy, cho hinh vuéng ABCD c6 tam I (%,%j . Cac duodng thang AB, CD

lan luot di qua cac diém M(—4;—1), N(=2;—4). Tim toa do cac dinh cta hinh vudng d6 biét B
c6 hoanh d6 am.

e Goi M’,N’la cdc diém doi xieng véi M, N qual = M'(7;2), N'(5;5). Ta ¢6: N’ € AB.

Phuwong trinh AB: 2x—-3y+5=0. Goi H la hinh chiéu cua I 1én AB = H(%;Zj
2a-3b=-5

e S (a—%jz b2 =$@{‘b’:1 = B(-L1).

Khido A(2;3),C(1;-2),D(4;0).

Goi B(a;b),a<0. Ta co {

Chu 24. Trong mit phang toa do Oxy, cho hinh vuéng ABCD trong d6 A thudc duong thing
d:x+y-1=0 va C,D nam trén dudng thang dy:2x—y+3=0. Tim toa d§ cac dinh cua

hinh vuéng biét hinh vudng c¢6 dién tich bang 5.

o Gia su A(a;1—a)ed,. Taco S pqp =5c>d(A,d2):\/§ < a=1 hoac a:%.

+ Voi a=1 = A(l;0) = Phuwong trinh canh AD: x+2y—1=0 = D(-1;1).

Ced
Gid sir C(x;v). Ta co: 2~ = C(0;3) hodc C(-2;—1
(x3y) {DC_\/g (0;3) ( )

— Véi C(0;3) = Trung diém I ciia AC la 1[%%} = B(2:2)

— Véi C(=2;—1) = Trung diém I ciia AC la 1(—%;—%) = B(0;-2)
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- -7 1
+ Voi a= ?7 = A[—;?Oj. Twong tu nhu trén ta tim duoc:

33 33 3 °3 33 3 3 3 3
Vay co 4 hinh vuong ABCD thoa man yéu cau bai toan: A(1;00,B(2;2),C(0;3),D(-1;1)
hodac A(1;0),B(0;,-2),C(-2;-1),D(-1;1) hoac A(% EJ,B(_—IO;EJ,C(_—‘LLJ,D(_—I;ZJ

3 373 373
hodac A _—7& ,B| — . 16 ,C %,E ,D _—1,1
3 ° 3 3 3 33 33

Cau 25. Trong mit phang vé&i hé toa do Oxy, cho diém E(1;—1) 1a tim ctia mot hinh vudng, mot
trong céc canh ctia nd c6 phuong trinh d : x —2y+12=0. Viét phuong trinh cac canh con lai
cta hinh vudng.

e Gid sir canh AB nam trén dwong thang d:x—2y+12=0. Goi H la hinh chiéu ciia E lén

dieong thing AB = H(~2;5) = AH = BH = EH = /45 .

Taco: { B4 o TAvr2=0 o x=4y=8 L 44:8),B(-8,2)
AH = BH =45 (x+2) +(y=5)" =45 x=-8y=2

= C(-2;-10) = Phuong trinh cdc canh con lgi: AD :2x+y—-16=0; BC:2x+y+14=0;
CD:x-2y—-18=0.

Céu 26. Trong mit phing v6i hé toa do OXy, cho hinh vuong ABCD biét céc diém M(2; 1); N(4; —
2); P(2; 0); Q(1; 2) 1an luot thudc canh AB, BC, CD, AD. Hay lap phuong trinh cac canh cua
hinh vudng.

e Gid sir dwong thang AB qua M va ¢6 VIPT la 7i = (a;b) (8% + b? #0)
= VTPT cua BC la: i, = (=b;a).
Phuong trinh  AB ¢6 dang: a(x —2) +b(y —1)=0 Sax+by-2a-b =0
BC co dang: —b(x —4) +a(y+2) =0 < —bx +ay +4b + 2a =0

o o N 6| [3p+4d4 {b:—Za
Do ABCD la hinh vuéng nén d(P; AB) =d(Q; BC) <
\/a +b? \/a +b? b=-a
eb=-2a:AB: x—2y =0; CD:x—-2y-2=0; BC:2x+y—6=0; AD: 2x +y—-4=0
eb=-a:AB: x+y+1=0; BC: x-y+2=0; AD: x-y+3=0; CD:—x+y+2=0

Cau 27. Trong mit phing v6i hé toa dd Oxy, cho dudng tron (C): x? +y2 —8x+6y+21=0 va
duong thiang d:x+y—1=0. Xac dinh toa d6 cac dinh hinh vuéng ABCD ngoai tiép (C) biét
Aed.

e (C) co tam 1(4 —3), ban kinh R = 2. Ta thay 1 €d. Vay Al la mot duwong chéo cua hinh
vudng ngoqi tiép dwong tron. Ta cé: x =2 va x =6 la 2 tiép tuyén ciia (C) nén:

— Hodc la A la giao diém cdc dwong (d) va x =2 = A(2; -1)

— Hodc la A la giao diém cdc dwong (d) va x =6 = A(6, —5)
e A(2,-1) = B(2,-5); C(6,-5); D(6,-1) e A(6,-5) =B(6,-1); C(2,-1); D(2, -5)

Céu 28. Trong mat phéng v6i hé toa do Oxy, cho hinh vuéng ABCD c6 A(-2;6), dinh B thudc
duong thang d:x—2y+6=0. Goi M, N lan luot 13 hai diém trén 2 canh BC, CD sao cho
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BM = CN. X4c dinh toa do dinh C, biét raing AM cat BN tai diém 1@;5) .

5

e Gia su B2y—-6;y)ed .
Ta thdy AAMB=ABNC = Al 1 BI = IAIB=0= y=4=> B(2;4)

Phurong trinh BC:2x—y=0= C(c;2¢), AB=2+/5, BC = \/(c —2)2 +(2c—4)*
AB = BC =|c—2|=2= C(0,0); C(4;8)
Vi I nam trong hinh vuéng nén 1,C cing phia véi dwong thang AB = C(0;0).

Cau 29. Trong mit phang toa do Oxy, cho hinh vuéng ABCD trén doan AC lay diém M sao cho
AC = 4AM va N 1a trung diém cua canh CD. Chtng minh ring BMN 1a tam giac vudng can.

e GOi a la do dai canh hinh vuéng ABCD . Chon hé toa do Oxy sao cho A(0;0), B(a;0),

C(a;a) va D(0ya) = M la;la , N la;a :W\’: la;éa ,M—B= 3a;_—1
4 4 2 4 4 4 4

Tir d6 c6 MN.MB =0 va MN = MB =a % = ABMN vuong cdn tai M .

Cau 30. Trong mit phang toa d Oxy, cho hinh vudéng c¢6 dinh A(—4;5) va mot dudng chéo co
phuong trinh A:7x—y+8=0. Viét phuong trinh cac canh ciia hinh vudng.

o Vi Ag A nén duong chéo BD nam trén A.

PT dwong thing d di qua A ¢6 dang: a(x+4)+b(y—5)=0(a*> +b*> #0)
7a-bl N2 _[a=3.

@/azﬂyz 2 a=4,b=

= (AB):3x—4y+31=0, (AD):4x+3y+1=0.

d hop véi BD mét géc 45° <

Goi I la tam hinh vuéng = I(—%;gj = C@34)

= (BC):4x+3y—24=0, (CD):3x—4y+7=0

Cau 31. Trong mit phing toa dd Oxy, cho hinh vuéng ABCD c6 dinh A(4;5), dudng chéo BD c6
phuong trinh y—3=0. Tim toa do cac dinh con lai ciia hinh vudng do.

e Duong chéo AC vuong goc voi BD nén PT co dang: x+c=0.AC di qua A nén ¢ =—4.
= (AC):x—-4=0 = 1(43).

Puong tron (C) ngoqi tiép hinh vuéng ABCD c6 tam 1(4;3), ban kinh R = AI =2
= Phuwong trinh (C): (x—4)* +(y-3)*> =4.
2 = 3 =
Toa do cac diem B, D la cac nghiém cua hé: Y ) ) o * 6,
(=4 + (=37 =4 [x=2
Vay: B(6;3),C(4;1),D(2;3) hodc B(2;3),C(4;1),D(6;3)

Cau 32. Trong mit phang toa d Oxy, cho hinh vuong ABCD c6 M 1 trung diém cua BC, phuong
trinh duong thing DM:x—y—2=0, dinh C(3;-3), dinh A nim trén duong thang
d:3x+y—-2=0.Xac dinh toa dJ cac dinh con lai cua hinh vuong do.

o Gid sir A(t;2—3t)ed. Ta c¢6: d(A,DM)=2d(C,DM) < 4r—al _24 [’ =3

RV - )

= A(3;-7) hodc A(-1;5). Mat khdc, A va C nam vé hai phia doi véi DM nén chi ¢é A(-1;5)
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thoa man.

Goi Dimym—-2)e DM = AD=m+1,m-7), CD=(m-3;m+1).

ABCD 1a hinh vuéng nén {PADC =0 o J(n+Dm=3)+ m=7)m+H=0""
DA = DC m+12 +(m=7)2%=m-3)%+(m+1)

= D(5:3); AB=DC = B(-3;-1).

Vay: A(=1;5), B(=3;-1), D(5;3).

<Sm=5

Chdan thanh cam on cdc ban do“‘ng nghiép va cdac em hoc sinh da doc tdp tai liéu nay.
transitung tv@yahoo.com
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