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Chuong 3.Nguyén ham - Tich phéan va ung dung TOAN 12

Chuong 3.

NGUVYEN HAM - TICH PHAN VA UNG DUNG

§1.NGUYEN HAM

1) B6 sung théng tin thich hgp vao cdc 6 trong dudi day:
STT flx) STT flx) f'(x) STT flx) f'lx)
1 n-x"! 5 a®-Ina 9 cos T
2 6 & 10 —sinx
3 7 1 1 %
x cos” x
4 8 ! 12 !
x-Ina sin®x
2) Tim ham s6 f(x) biét rdng
a. f'(x) = 3x? b. f'(x) = x?

NGUYEN HAM VA TINH CHAT

Nguyén ham

Pinh nghia
Cho ham sb f(x) xédc dinh trén K.
Ham s6 F(x) duge goi la nguyén ham cta ham sb f(x) trén Knéu ............ véi
moi x € K.
Vi du 1.
e Haim sd Flx) = ......... la mot nguyén ham ctia ham sb f(x) = 3x2.
e Himsb Flx) = ......... 1a mot nguyén ham cta ham sb f(x) = cosx.
1
Vi du 2. Ham s6 ndo sau ddy khong phai la nguyén ham cta ham sd y = COSQI?
A. Fi(x) = tanx. B. Fyx) = tanx + 2020.
C. Fs(x) =tanx + 2021. D. F,(x) =2020tanx.
Pinh 1i 1 - O %
Néu F(x) 1a mo6t nguyén ham cta ham s6 f(x) trén K thi véi mdi hdng sé6 C, ham
sOGlx)=............ ciing 1a mot nguyén ham cua f(x) trén K.
Dinh I 2 -0 x
Néu F(x) 1a mot nguyén ham ctia ham s6 f(x) trén K thi moi nguyén ham cta f(x)
trén K déucéddang ............, voiClamdt.............
p
e Flx)lamdt............ cua f(x)
/f(x) de=............ e Flx)+Cla...... tat cd cdc nguyén
’ ham cta f(x)
N e f(x)dx = F/(x)dx 1a vi phdn cta ...

Vi du 3. Tim cdc nguyén ham sau:

1= Soan: Huynh Pha Si
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§1.Nguyén ham

TOAN 12

dx _
NG

a) /xgdx= b) c) /exdx=

Tinh chét ciia nguyén ham

Cho ham sd y = f(x) c6 dao ham trén K.

Tinh chat 1. /f’(r)dx =

Tinh chét 2. / k- flx)dx =

Tinh chét 3. ] [flx) £ glx)] dx =

) 2
Vi du 4. Tim nguyén ham cta ham s f(x) = 3sinx + - trén khodng (0; +00).

. 1
Vi du 5. Cho ham s6 f(x) xdc dinh trén khodng (0; +00) théa man f'(x) - /x = 3 va
fl4) = 5. Tim f(x).
Sy ton tai ctia nguyén ham
{ Moi ham sd ............ trén K déu cé nguyén ham trén K. ]
( Béng nguyén ham ctia modt s6 ham sé thudng gap )
o]ardx= ............... (@>0a+1)
° /cosr de=...............
............... (n & —1) o]sinxdx=...............
- / =
o W=
1
............... ° / —— (8 = coananananancns
sin” x
Vi du 6. Tim cdc nguyén ham sau:
Ty day, yéu cadu tHm , 1 9
nguyén ham Cﬁd m@t ham d) / <3I + ? dr b) <1 + tan I) dI
s6 duge hiéu la im nguyén
ham trén ting khodng xdc
dinh cua né.
1= Soan: Huynh Pha Si 7 i Truosng THCS-THPT My Thuédn



§1.Nguyén ham TOAN 12

PHUONG PHAP TIM NGUYEN HAM

Phuong phdp doi bién sb
Vi du 7. Tim / (x —2)%" dx.

Néu tinh nguyén ham theo
bién méi u = u(x) thi sau
khi tinh nguyén ham, ta
phdi trd lai bién x ban dau
béng céch thay u béi u(x).

Hé qua. V8i u = ax + b (a + 0) thi

N

Vi du 10. Xét nguyén ham I = j xVx + 2dx. Néu dit t = v/x + 2 thi ta duge
A I= /(4t4 —21%) dt. B. I = /(t” —2t%) dt.
C I= / (2t* — 41%) dt. D. I= / (2t* — 1*) dt.

Phuong phdp nguyén ham tiflng phan

Néu hai ham s6 u = u(x) va v = v(x) c¢6 dao ham lién tuc trén K thi

Vi du 11. Tim cdc nguyén ham sau:
(x +1)e" dx

a) /(r—i—i)lnxdx c)

e’ cosx dx

—_—

b) /(r + 1) cos x dx d)

1= Soan: Huynh Pha Si 8 i Trudsng THCS-THPT My Thuédn



§1.Nguyén ham TOAN 12

Tips - [ %
Thtt tu wu tién dit u(x) 1a
I) Logarit
II) Pa thic

I11) Lugng gidc

IV) Mi

THUC HANH

@ TRAC NGHIEM

Cau 1. Trong céc khéng dinh sau, khdng dinh nao la ding?

/[f( dx—/f dx/ £ d.

B. /de=0.

C/f x)+ C.
D/f x)dx = f(x) + C.

Cau 2. Cho f(x), g(x) 1 cdc ham sb xdc dinh va lién tuc trén R. Trong cdc ménh
dé sau, ménh dé nao sai?

A /[2f(x)+?>g(x dx=2/fx dx+3/g(x)dx
B./[f() dr—/]‘ dx—/ x)dx.

C. /Qf(x)dr =2/

/f dx—/f dx/ x) dr.

Cau 3. Cdp sb6 nao sau day c6 tinh chat "Cé mot ham sd 1a nguyén ham ctia ham
sd con lai"?

>

=)

1 . .
A tanx®va ——. B. sin2r va sin®r.

cos? x?
C. eTvae™, D. sin2x va cos®x.
Cau 4. Khdng dinh nao sau day la khdng dinh sai?

A. /cosrdr =sinx + C.

B. /%dx=—1+c.
x x
1
D. /ardx=a1-lna+C(a>0,a%=1).

Cau 5. Ho tat cd cdc nguyén ham ciia ham sb f(x) = cosx + 6x 1a
A sinx + 3x% + C. B. —sinx +3x? + C.
C. sinx + 6x? + C. D. —sinx + C.

1= Soan: Huynh Pha Si 9 i Truosng THCS-THPT My Thuédn



§1.Nguyén ham
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. 1
Cau 6. Xdc dinh f(x) biét /f(x)dr =7 +e' + C.

A flx) =In|x| +e". B. flx) = =t e’
C. flx) = —%Jref. D. flx)=1Inx + €.

Cau 7. Ham s6 F(x) = 2sinx — 3cosx 1a modt nguyén ham ctia ham sé nao sau
day?

A flx) = —2cosx — 3sinx. B. f(x) = —2cosx + 3sinx.

C. flx) =2cosx + 3sinx. D. flx) =2cosx — 3sinx.

Cau 8. Tim m dé ham sb F(x) = mx® + (3m + 2)x* — 4x + 3 1a mot nguyén ham
clia ham sb f(x) = 3x” + 10x — 4.

A m=3. B. m=1 C m=2 D. m=0.
Cau 9. Ho nguyén ham cta ham s6 f(x) = 2x (1 + 3x%) la
A x*(1+32%) +C. B. 2x (x +x%) + C.
3
C. x(x+12%) +C. D. x2<1+6§>+0.
ox” +x —1
Cau 10. Tim ho nguyén ham ctia ham sb f(x) = —
A/Qr trot _2+1—i+c
x?
B. /QI ”_1 _2x+3+1n|x1+c
2 1
C/r+x x = x? +ln|r|+;+C.

1 |
D. /h;;dx~x2—f+ln]r[+(l
X X

Cau 11. Ham sb nao sau day khong phai 1a mot nguyén ham ctia ham s6 f(x) =
(2x — 3)%

_ _ 7\
A Flx) - (QITS)+8. B. F(x)=(2173)~3.
(2x —3)* (2x - 3)*

F _ F _

C. Flr) - = D. Flr) = =
Cau 12. Ham s6 nao dudi day la nguyén ham ctia ham sd f(x) = 1 ir{)
A. F(x)=—%ln]4—4x|+3. B. Flx)=—-In[1 —x| + 4
1

C. Flx)=In|1 —x|+2. D. F(x)=§1n(x2—2x+1>+5.

Céu 13. Cho ham sb f(x) = x% — x* + 2x — 1. Goi F(x) 14 m6t nguyén ham cta
flx). Biét rdng F(1) = 4 Tim F(x).
3

o ox ) R S
A F(I)=T[k—§3+x - x. B. F(x)=z4—§3+r —x+1
RN N B
C. F(I)—4 7t X + 2. D. F(Jc)—lt 3+r T+ 15

Cau 14. Biét F(x) la nguyén ham cta ham sb f(x) =
F(3) bang bao nhiéu?

! - va F(2) = 1. Khi d§

A. lné. B. In2+1. C. In2 D. 1
2 2
5 PR A x+2 .
Cau 15. Ho tat cd cdc nguyén ham cla ham sd f (x) = 1 trén khodng (1; +00)
la
A x+3ln(x-1)+C. B. x =3In(x-1)+C.
3 3
-— +C D.x———+
(x —1) (x —1)
3
) x
au 16. Ti én ham ctia ham s0 =—
C4u 16. Tim nguyén ain ctia ham sb f(x) i
5x .
A /f(r)dr=m+c. B. /frdx=ln(r +1) +C.
C. /f( Jdr = x’In (x* +1) + C. D. /f fln(x +1) + C.

1= Soan: Huynh Pha Si
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§1.Nguyén ham TOAN 12

Cau 17. Tim nguyén ham cta ham sd f(x) = v/5 — 3x.
A /f(x)dx = —%(5 —3x)Vv5 —3x + C.

B /(x)dx=—g(5—31)\/5—31+c.

]t :
C. /f(r)dx = %(5—3x)\/5—31+ C.
D. /f(r)dr = —%\/5—3354— C.

Cau 18. Tim nguyén ham cta ham sb f(x) = xe*.

A /f(x)dr=(r+1)e"+C. B. /f(x)dr—:(x—i)e"JrC.
C. /]‘(r)dr =xe' + C. D. /]‘(x)dx = x%" + C.
1
Cau 19. Biét /(x +3) e dy = —Ee’z’x“(?)x +n)+ C véi m, n la cdc sd
nguyén. Tinh tdng S = m + n.
A. 10. B. 1 C. 9 D. 19.
. . 3 s .
Cdu 20. M6t vat chuyén dong vdi van toc a(t) = ] (m/s®). Biét réng van tbc
ban dau ctia vat d6 1a 6 (m/s), hdy tinh véan tdc cta vat do tai gidy thi 10.
A. 10m/s. B. 15,2m/s. C. 13,2m/s. D. 12m/s.
(¢ TU LUAN
Cau 1 (SGK GT12). Trong cdc cdp ham s6 dudi day, ham s nao 1a mdt nguyén ham ctia ham s6 con lai?
X 5y aA—X . s a9 2 2
a) e™* va —e b) sin2x va sin”x . <1_J2C> o v <1_i> o

Cau 2. Tim nguyén ham cla cdc ham s6 sau:

a) flx) =e*™ b) flx) = tan’x ¢) flx) = sinbx - cos 3x d) flx) = - x)(11 o

Cau 3. Stt dung phuong phdp dbi bién s6, hay tinh:
a) /(1 —x)%dx ([ddtu=1-x) b) /COSSISinIdI (ddt u = cosx)
Céau 4. St dung phuong phdp tinh nguyén ham ting phdn, hdy tinh:

a) frln(i + x)dx b) / (x? +2x —1)e"dx ¢) /rsin(Qx +1)dx d) /(1 — x)cosxdx

1= Soan: Huynh Pha Si 11 i Truosng THCS-THPT My Thuédn



§1.Nguyén ham TOAN 12

Vocabulary
derivative dao ham method phuong phdp
antiderivative nguyén ham change of variable ddi bién s6
differential vi phan antiderivative by parts nguyén ham titng phan

1= Soan: Huynh Pha Si 12 i Trudsng THCS-THPT My Thuédn
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TOAN 12

§2.TICH PHAN

Nhg tich phan, ta cé thé tinh do dai clia mdt dudng cong, dién tich ctia mo6t hinh phdng, thé tich ctia mot khéi tron
xoay hay cédc bai todn v& quing dudng, van toc...

KHAI NIEM TiCH PHAN

f(@)

end — b differential

/ f(fﬁ)dw/

start — @ expression

Quy udc:

° /a]‘(x)dx ......
° I)/]‘(Jc)djc ......

Dién tich hinh thang cong

Hinh ......... giéi han bdi db thi ctia ham sd y = f(x), truc ......... va hai dudng
thdng x = a, x = b dugc goi la hinh thang cong.
Gid st F(x) 1a mot nguyén ham cta f(x). Ngudi ta ching minh dudc rang hinh thang
cong néu trén cé dién tich la

S = F(b) — Fla)

Pinh nghia tich phan

Cho ham s6 y = f(x) lién tuc trén doan [a; b]. Gid stt F(x) la mdt nguyén ham cua f(x)
trén doan [a; b].

s )
Tich phén tit a dén b ctia ham sb f(x) 1a hiéu F(b) — Fla).
b b
[ fyax - Fra| - o) - Fla
a a
Ta goi a la cgn dudi, b la cdn trén.
\\

Vi du 1. Tinh céc tich phén sau:

a) j<x3+3x> dr b) /<%—é> dx
1

1= Soan: Huynh Pha Si
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TINH CHAT CUA TICH PHAN

b
Tinh chét 1. /k Sfle)de = (k 1a héng sd)

b
Tinh chét 2. / [flx)£gl)] de =

G b
Tinh chét 3. ]f(x) dx + /f(x) de=............ (@a<c<d)

1
Vi du 2. Tinh /|x —1] dx.
0

PHUONG PHAP TiNH TiCH PHAN
Phudng phdp ddi bién sb

9
Vi du 3. Dé tinh tich phan / (2x — 1)3 dx, ba ban Truong, My va Thudn dua ra cdch

i

gidi nhu sau:

2

o

2
2

7= 7 x?
=< '1—12-?+6-——x>

1

= (214 — e o G x)

1
= 10.

p) P bat u = 2x — 1 = du = 2dx.
/(2x~1)3dx=/(8x3~3~4x2+3~2x—1)dx Péicqn: | Lo um 2 -1t
1 1 r=2=u=2-2-1=3
9 2 5] d 1 W13
_ 3 2 36 _ 1) - sdu _ 1w
_/(gx _192° 4 6z — 1) dx KhldO/(Qr 1) dx /u i Rl
1 1 1

2
1 (2x —1)4]?
D = ) e = = o 0| = A,
e -1 e -5 2
1

1

Hay so sanh ba 16i gidi trén.

Vi du 4. Tinh

2

a) [ cos”xsinxdx

o\awlﬂ

1= Soan: Huynh Pha Si
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§2.Tich phan TOAN 12

Phuong phap tinh tich phéan ting phan

Néu hai ham s6 u = u(x) va v = v(x) c6 dao ham lién tyc trén K thi

Vi du 5. Tim cdc nguyén ham sau:

e 1

a) /(x +1)Inxdx c) /(x + 1)e" dx
1 0
7 7

b) /(x + 1) cosx dx d) /ex cos x dx
0 0

THUC HANH

@ TRAC NGHIEM

Cau 1. Cho F(x) la mot nguyén ham ctia ham s6 f(x). Khi d6 hiéu sd F(0) — F(1)
bang

1 1 1 1
A —F(x)dx. B. F(x)dx. C. — [ flx)dx. D. [ flx)dx.
! ! [roe ]

Céu 2. Cho ham s6 f(x), g(x) lién tuc trén [a; b]. Khdng dinh nao sau day sai?
b

b b
A /[f(x) +glx)] dx = /]‘(r) dx + /g(x)dr.

B. /bf(r)dx= /af(x)dx.

b

C. fbf(r)dr - /bf(t)dt.

D. /bf(r)dr:- /bf(r)dx+/cf(x)dx.

1= Soan: Huynh Pha Si 15 i Truosng THCS-THPT My Thuédn
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3
Cau 3. Biét F(x) la mdt nguyén ham cua f(x) trén doan [—2; 3], /]‘(r) dx =12 va

F(3) = 7. Tinh F(=9). ’

A F(-2)=19. B. F(-2)=2  C. F(-2)=5.  D. F(-2) = -5.
b b

b
Cau 4. Cho /f(r) dx = -3va /g(x) dx =4 Tinh I = /[4f(r)—3g(r)} dx.

A I=25 B. I = -24 C. =24 D. I =0.

Cau 5. Gid st cdc biéu thitc trong ddu nguyén ham, tich phan déu cé nghia, trong
cdc khdng dinh sau, khdng dinh nao la sai?

A /f’(x) dx = f(x) + C.

B. /kf(x)dx = k/f(x)dr, vk e R

b
C. /u(x)v/(x) dx = u(x)v(x)

b

D. /kf(r)dr = k/f(r)dr, Vk e R

Cau 6. Cho ham sb f(x) ¢6 dao ham lién tuc trén doan [1;4], f(1) = 15, f(4) =

4
Tinh /f’(x) dx
1

4 4
A /f/(r) dx =T. B. /f/(r) dx = 3.
1
4 4
C. /f’(x) dx = 23. D. /f’(r) dx = —
1 1
5 5
Céau 7. Cho biét | flx)dx =3, [ g(t)dt = 9. Tinh [ [f(x) — 2g(x)] dx.
[ o8 fruu-sm |
A. -6 B. - C. 12. D. 21.

5
Cau 8. Cho cdc ham sb f(x), g(x) lién tuc trén R théa man / [2f(x) + 3g(x)] dx =

-1
5 5

=5; | [3f(x) —5g(x)] dx = 21. Tinh | [f(x) + g(x)] dx.
J /
A. -5 B. 1. C. b D. 1.

5 5

Cau 9. Néu /]‘(x)dx = —2va /]‘(x)dx =1 thi /f(x) dx béng

1 2 1
A -3 B. -1 C. 1L D. 3

3 3
Céu 10. Cho ham s6 f(x) théa man / flx)dx = 5 va / fl(x)dx = 1. Tinh tich
1 -1

phan1~/f

A I=-6 I=6. C. I=4 D. I = -4
7 7

Cau 11. Cho /]‘(x)dx =2, /f(t)dt = 0. Gia tri clia /]‘(z) dz 1a

2

AT, B. C. 11 D. 5.
Cau 12. Choff dx—l/f =—4T1nhl—/}‘
A. I=5 B. 1—3 C. D. I = -5

1= Soan: Huynh Pha Si
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2
Cau 13. Tinh I = / (2x — %) dx.

0
A I=0 B. I =10 C. I=-4 D. I = -10.

JU
2
Cau 14. Cho I = [ sin2xdx, | = /sinxdr. Trong cdc ménh dé sau, ménh dé&
0

o\«w\::

nao dung?
A I>7T. B. I—7. C. I<]. D. =29/
1
Céau 15. Tich phéan / 3%+1 dx béng
0

27 9 4 12
A. m. B. m. C. m. D¢ R.
7 d
A , R x
Céau 16. Tich phan / pr—l bdng
5 2 1.5 16
A. log 7 B. IR C. éln 3 D. 505"

o2

2
Cau 17. Tinh [ = / w dr duge két qua 1a
e

4 5 1
A 7 B. 3 C. 7 -3

aln2 —bInb véi a, b € Q. Gid tri cia 2a + b

Il

7
s xdx
Céau 18. Biét rd
au iét rdng /12+1
2

bing
3 1
A - R L .2
5 B 5 C D
In5
Cau 19. Biét /(x +1)e*dx = alnb5 + bIn2, vdi a, b la cdc sO nguyén. Tinh
In2
T = 3a — 2b.
A. T =10 B. T= -4 C. T=11 D. T = —16.

s
A
Cau 20. Gid tri ctia tich phan / x sinx dx bdng
0

b+ b—gr 2—m 24+
A ——. B. ——. C. ——. D. ——.
V) 42 2V2 22
b
Cau 21. Tim gid tri cta b dé /(2x~6)dx=0.
1
A. b=0hodc b = 1. B. b =0hoac b =23
C. b=1hodc b =5. D. b =5hodc b =0.

3
Cau 22. Biét /
1

2 .
T dr = a+blncvéia b c € Z c <9 Tinh tong S =

a+b+ec.
A S=6. B. §= C. §=5h D. S=8.
1
A . R x? + 31 - 6 AUTURR
Céau 23. Tich phéan I = / o 1 dx cé gid tri la
0
3 7 37
A §—§1n3. B. §+§ln3. C. 5In3. D. —2In3.

Cau 24. Cho/

0
nao sau dy ding?

A a+2b=0. B. a—-2b=0. C.

PO 3r 0 =aln2+bln3 véia, b 1a cdc sb nguyén. Ménh dé

+b=-2 D. a+b=2

1= Soan: Huynh Pha Si
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§2.Tich phan TOAN 12

1

dx

a . Tinh tich phdn [ = | ———.
Cau 25. Tinh tich phan I /x2~9
0

1.1 1.1 1 6
A I=ghng. B.I=—glng C I=zhn2 D. I =InV2
3
Cau 26. Biét /Mdr=a1n2+bln5+cln6.TinhS=3a+2b+c.
J x2+5x+6
2
A 11 B. —14. C. -2 D. 3
1
Céau 27. Biét ]dir = g(ﬁ b) véi a, b 1a cdc s6 nguyén duon
' / Vi +1+x 3 ’ I v
Tinh T=a +b.
A T=T B. T =10. C. T=6. D. T=38.
3
. dx .
Cau 28. Biétfi — aV3+bV2+cvéia b, clacic s hitu tg. Tinh
| VirTi- & !
P=a+b+1§. 16 0
A.P=?. B‘P=?. C. P=5h. D.P=g.

Cau 29. Cho ham s6 y = f(x) lién tuc, nhdn gid tri duong trén (0; +o00) va théa
man f(1) =1, f(x) = f'{x)V/3x + 1, v6i moi x > 0. Ménh dé nao sau day ding?
A 4<f(5)<b B 3<f(B)<4 C.1<fB)<2 D. 2<f(5<3

LS

A 1
2 .
Cau 30. Cho ham sb f(x) lién tuc trén R, biét /f (tanx) dx = 4va / 3;271(? dx =
0 0

1

2.Tinh I = /f(r) dx.

0
A. 6. B. 1 C. 0. D. 2.

(¢ TU LUAN
Céau 1 (SGK GT12). Tinh céc tich phén sau:

¢ |(x+1)dx

2
O\nmwa
@
=
/\
A~
|
=
~_—
oL
=
=
w\»&\w
=
=
+ —_
=
o
=
O\m

In(1 + x)dx

o\"_‘

a) /singxdx b) /x _1dr X
/ x% -1
0

1= Soan: Huynh Pha Si 18 i Trudsng THCS-THPT My Thuédn



TOAN 12

§3.Ung dung cta tich phéan trong hinh hoc

§3.UNG DUNG CUA TiCH PHAN TRONG
HINH HOC

b
Trong bai §2. Tich phan, ta da biét tich phan / f(x)dx 1a dién tich ctia hinh thang cong gi6i han b&i dd thi ctia ham
a

s6 f(x) (khong 4m), truc Ox va hai dudng thdng x = a, x = b. Mdi cdc em tinh dién tich ctia cdc hinh thang dusi day:

HINH PHANG GIOI HAN BOI MQT DUONG CONG VA TRUC HOANH

Cho ham sd y = f(x) lién tuc trén doan [a; b].
x), truc ......... va

Vi du 1. Tinh dién tich hinh phéng dugc gisi han bdi dudng cong y = x* — 4x + 3, truc
hoanh, truc tung va dudng théng x = 5.

Dién tich S ctia hinh phdng gidi han béi db thj ctia hai ham s6 y = f(x), y = glx) va
hai duong thdng x = a, x = b duoc tinh theo cong thitc

HINH PHANG GIGI HAN BOI HAI PUONG CONG
y Cho hai ham s6 y = f(x) va y = g(x) lién tuc trén doan [a; b].
Ja\ o

Vi du 2. Tinh dién tich hinh phéng dugdc gidi han bdi hai parabol y = x> — 2x — 2 va

y=g(x) y=2—12.
i Truosng THCS-THPT My Thuédn
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§3.Ung dung cta tich phan trong hinh hoc TOAN 12

TINH THE TiCH

Thé tich ciia vat thé

Cét mot vat thé ¥ bdi hai mét phing (P) va (Q) vudng géc véi truc Ox 1an lugt tai x = a,
x = b (a < b). Cét # bdi mdt mdt phdng tiy ¥ vudng goc véi Ox tai diém x € [a; b] theo
thiét dién c6 dién tich S(x).

Vi du 3. Viét cong thic tinh thé tich V ctia vat thé ndm gitta hai mdt phdng x = 0 va
x = In4 bi cdt bdi mot mat phéng vudng géc véi truc hoanh tai dim c6 hoanh dd
x € (0;In4), c6 thiét dién 1a mot hinh vudng canh /xe*.

In4 In4
A V= N/xex dx. B. V= /\/ref dx.
0 0
In4 In4
C. V= / xe' dx. D. V=on j [xe']? dx.
0 0

Thé tich khbi chép va khdi chép cut

a) Cho khdi chép c6 chidu cao h va dién tich ddy B.
Chon hé truc toa do nhu hinh, khi dé hinh chép da cho cé thé tich 1a

V=]hS(x)dr=/ ...... de=.........
0

b) Cho khdi chép cut tao bdi khdi chép dinh S c6 dién tich hai ddy 1an lugt 1a B, B va
chidu cao béng h.
Khi d6 khéi chép cut da cho cé thé tich bing

1= Soan: Huynh Pha Si
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§3.Ung dung cta tich phéan trong hinh hoc TOAN 12

THE TICH KHOI TRON XOAY

]|

THUC HANH

VA Quay hinh thang cong gidi han b&i dd thi ham sd y = f(x), truc hoanh va hai dudng
thdng x = a, x = b quanh truc ... ... tao thanh mot khéi ............ ¢6 thé tich 1a

Vi du 4. Tinh thé tich khdi tron xoay thu duge khi quay hinh phdng gi¢i han béi dudng
cong y = cosx, truc hoanh va hai dudng thdng x = 0, x = st quanh truc hoanh.

@ TRAC NGHIEM

RN
NNNANNANY
N

Cau 1. Néu ham s6 y = f(x) lién tuc trén doan [a;b] thi dién tich S cta hinh
phdng gidi han bai dd thi ham s6 y = f(x), truc hoanh va hai dudng thing x = a,
xr=>bla

b a

A [ irte) - gl ax B [ Iftc) dx
ab bb

C. / flx) dr. D. / If(x)] dr.

Cau 2. Cho hinh phdng H giéi han bdi dd thi ham sd y = f(x) truc Ox va dudng
thang x = —1 (phan gach soc nhu hinh bén). Goi S 1a dién tich ctia hinh phdng
H. Ménh d& nao duéi day ding?

0 2 2
A S=J|f(x)|dx—!|f(x)]dx. B. S=:{]‘(I)dx.

0 2 0 2
C. S=/f(r)dx—0/f(x)dx. D. S=~{f(r)dr+0/f(x)dx.

-1

Cau 3. Dién tich hinh phdng (H) gi¢i han bdi dd thi ctia ham sé y = f(x), truc
hoanh va hai dudng thdng x = a, x = b (a < b va f(x) lién tuc trén [a;b]) (phan
gach soc trong hinh vé) tinh theo cong thic

A S= ~/Cf(r)dx—|-/bf(r)dx. B. S=/b]‘(x)dx.

C. S= /bf(x)dx. D. S=/Cf(r)dx+/bf(r)dx.

Cau 4. Cho hinh phdng D gi6i han bdi dd thi hai ham sé y = f(x), y = g(x) lién
tuc trén doan [a; b] va hai dudng thdng x = a, x = b. Dién tich S ctia hinh phdng
Dla

b b

A S= /[]‘(r) + g(x)]dx. B. §S= /|]‘(x) — glx)| dx.
ab ab

¢. 5= [Ife) - gle)a D. 5~ [lgl) - flaax.

1= Soan: Huynh Pha Si
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§3.Ung dung cta tich phan trong hinh hoc TOAN 12

y
y=x2-9r -9
‘ /
l 2
/ -1\ o I
|
|
|
|
y=-x>+2
y
2
1
O 1 2 X

Cau 5. Dién tich phan hinh phang dugc gach chéo trong hinh bén béng

2 2

A / (—2x” + 2x + 4) dx. B. / (9x” — 2x — 4) dx.
1 -1
2 2

C. / (—2x% — 2x + 4) dx. D. / (2x* + 2x — 4) dx.

-1 -1

Cau 6. Tinh dién tich S ctia hinh phéng gi6i han bdi dd thi ham s6 y = 3%, truc
Ox va hai dudng thdng x = —1, x = 2.
26 12 26
A. S=§. B. S=12 C. S=R. D.5=31n3.
Cau 7. Dién tich S ctia hinh phdng gi¢i han bdi dudng cong y = —x3 + 3x* — 2,
truc hoanh va hai dudng thang x = 0, x = 2 1a
5 3 7

A.S=§. B‘S:@ C.Szg. D. S=4

Cau 8. Tinh dién tich S ctia hinh phdng gi6i han bsi do thi ham s6 y = x* + x
va dudng thing y = —x + 3.
32 16 32
A = ——. . = —. . = 16. . = —.
S 3 B. S 3 C. S 6 D. S 3
Céu 9. Tinh dién tich hinh phéng gi¢i han bdi (¢):y = x* — 2x? + 1 va truc
hoanh.

15 15 16
A —. B. ——. cC. —. D. —.
15 16 8 15
. R . 1
Cau 10. Dién tich hinh phéng dudc gidi han bdi dd thi ham s6 y — i i 5 true
hoanh va dudng théng x = 2 1a
A. 3+ 1n2. B. 3—-In2. C. 3+2n2 D. 3-2In2
Cau 11.
Tinh dién tich S cta hinh phdng y y—1-9
(phén gach soc) trong hinh bén.
8 10
A, S=-. B. $=—. —7 ¥ =X
\1’1 73 T v
C. S=—. D. S=_.
3 3
O 2 4 X

Céu 12. Cho (H) l1a hinh phéng gi6i han bdi dd thi clia cdc ham sd y = /x, y = 0,
y = 2 — x. Dién tich caa (H) 1a

a B2t p SV2*5 c. I D. 2.
3 6 6 6
9
Cau 13. Tinh dién tich hinh phdng gi6i han bdi cdc duong y = x? y = %
27
y=—.
* 63 63 63
A —. B. 27TIn2—-—. C. 27In2. D. 27TIn2 — —.
8 8 4
Cau 14. Tinh dién tich S ctia hinh phéng gi¢i han béi elip (E) c6 phuong trinh
*  y .
?+ﬁ=1,vdla,b>0.
11\’ )
A S=n|—-+—). B. S =o(a+b)
a b
21,9
C. S = mab. L
a+b

Céau 15. Trén cdnh ddng cd cd hai con bd dudc cot vdo hai cdy coc khdc nhau.
Biét khodng cach gifta hai coc 14 4m con hai sgi day cdt hai con bd dai 3m va 2m.
Tinh phdn dién tich mdt cé 16n nhdt ma hai con bo ¢é thé dn chung (14y gid tri
gan ding nhat).

A. 1,574m? B. 1,034m?2 C. 1,989m?. D. c.

1= Soan: Huynh Pha Si
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§3.Ung dung ctia tich phan trong hinh hoc TOAN 12

Céu 16. Cho ham sd f(x) lién tuc trén doan [a; b]. Goi (H) 1a hinh phédng gii han
bai dd thi ham s6 y = f(x), truc hoanh va hai dudng thdng x = a, x = b; V la thé
tich ctia khdi tron xoay duge thanh khi quay (H) quanh truc Ox. Khdng dinh nao
sau ddy la ding?

b b
A.V=ﬂ/Uuﬂm. B.V=/ﬁumx

ab ab
C.V=ﬂ/ﬁamp D.V=/Vunm

Cau 17. Thé tich cta kh01 tron xoay tao thanh khi quay hinh phdng D giéi han
bdi cdc dtwng y = Vx — 1, truc hoanh, x = 2 va x = 5 quanh truc Ox bang

A /x—l B.!i%—dx
C. ﬂQ/(x—l)dr. D. JTQQ/(I—i)dI.

Cau 18. Cho hinh phéng trong hinh vé bén (phan t6 ddm) quay quanh truc hoanh.
Thé tich khdi tron xoay tao thanh duge tinh theo cong thitc nao trong cic cong

thic sau day?
b b

A V= Jr/ [g%(x) — f*(x)] dx. B. V= Jr/ [flx) - g(Jc)]2 dx.
% %
C. V= JT/ [flx) — glx)] dx. D. V= Jr/ [(x) — g*(x)] dx.

Céu 19. Tim cdng thic tinh thé tich cta khéi tron xoay khi cho hinh phdng gisi
han béi parabol (P): y = x* va dudng thdng d: y = 2x quay quanh truc Ox.
2 2 2

A. JT/(IQ—QI>2 dx. B. ﬂ/4r2dx—ﬁ/r"dr.
0

0

2
C. ﬂ/éx dx+ﬂ/x4dx. D. ﬂ/(2x—12)dx.
0 0
Cau 20. Cho hinh phdng (D) giéi han béi dd thi ham s6 y = \/x, hai dudng thang
x =1, x = 2 va truc hoanh. Tinh thé tich khdi tron xoay tao thanh khi quay (D)
quanh truc hoanh.

3 37 27T
An 3.7-[- B. §. C. ?¢ D¢ ? .
Cau 21. Thé tich khéi tron xoay sinh ra khi quay hinh phdng gigi han bdi dd thi
cdc him sd y = x> —2x, 3y = 0, x = —1, x = 2 quanh truc Ox béng
167 17 187 5
A. Tu B. T. C. T. D¢ E.

Céu 22. Cho hinh phdng D giéi han bdi dudng cong y = /2 + cosx, truc hoanh
va cdc dudng thing x = 0, x = g Tinh thé tich V ctia khdi tron xoay tao thanh
khi quay D quanh truc hoanh.

A V=g -1 B. V=m+1. C. V=mr—-1). D. V=umlx+1).
Cau 23. Cho hinh phéng D giéi han bdi dudng cong y = e7, truc hoanh va cdc
dudng thang x = 0, x = 1. Khéi tron xoay tao thanh khi quay D quanh truc hoanh
c6 thé tich V bang

9 241
A vt B.V=§&?il
m(e? —1) Tre?

Céu 24. Thé tich cua khoi tron xoay sinh ra khi cho hinh phdng gi¢i han bai

parabol (P): y = x? va duang thdng d: y = x xoay quanh truc Ox bdng
1

1
Ajr/xzdx /xdx. B.JT/xdx+JT/xdx.
0

0 0

1= Soan: Huynh Pha Si
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§3.Ung dung cta tich phan trong hinh hoc TOAN 12

1 1
C. JT/(IQ—JC)Q dx. D. ﬂ/(IQ— ) dx.
0 0

. N 4 . .
Céu 25. Goi (H) 1a hinh phang gidi han bdi d6 thi (C): y = — va dudng thdng

X
(d): y =5 — x. Tinh thé tich V ctia khdi tron xoay tao thanh khi quay hinh (H)
xung quanh truc hoanh.

A, V=>51m B. V =233m. C. V=0m D. V=18n.
Cau 26.
Cho hinh phdng gi¢i han bdi dd thi cdc ham sb y

y = /x, dudng thing y = 2 — x va truc hoanh

(phan gach chéo trong hinh vé). Thé tich ctia khéi 2
tron xoay sinh bdi hinh phdng trén khi quay quanh
truc Ox bang 1
5 4ot T 5
4 B 3 ¢ 6 D 6

0 1 2 x
Céu 27. Tinh thé tich V ctia vt tron xoay tao thanh khi quay hinh phdng (H) gi6i
han bdi cdc dudng y = x*> va y = \/x quanh truc Ox.

3 T T 97

A V=—. V== V= — V==

10 B 10 ¢ 10 D 10
Cau 28. Ngudi ta lam mot chiéc phao boi nhu hinh vé (v8i bé mat cé duge bang
cdch quay dudng tron € quanh truc d). Biét rdng OI = 30cm, R = 5cm. Tinh thé
tich V cla chiéc phao.

d 0
A. V = 150072cm3. B. V = 900072cm3.
C. V = 15007rcm®. D. V = 9000;rcm®.
Cau 29. Mot 6 t6 dang chay vdi toc dd 36 km/h thi ngudi 14i xe dap phanh, tir thoi
diém d¢, 6 t6 chuyén dong cham dan déu véi van téc v(t) = =5t + 10 m/s, trong
d6 t 1a khodng thdi gian tinh bang gidy, ké tit lic bt ddu dap phanh. Hai tir lic
dap phanh dén lic ditng hdn, 6 to con di chuyén bao nhidu mét?
A. 10 m. B. 20 m. C. 2m. D. 0,2 m.
Cau 30. Mot chiéc xe dang chay d&u véi van toc 20 m/s thi gidm phanh véi van
toc v(t) = 20 — 2t m/s dén khi ding hdn. Quang dudng xe di dugc tit ic bat dau
gidm phanh dén khi ditng hén la
A, 98 m. B. 94 m. C. 100 m. D. 96 m.
@ TU LUAN
Céu 1 (SGK GT12). Tinh dién tich hinh phdng gi6i han bdi cdc dudng:

A y=xy=x+2 b) y=(x—6)?%y=6x—2x>

Céu 2 (SGK GT12). Tinh thé tich khdi tron xoay do hinh phdng gidi han bdi cdc dudng sau

aAy=1-x2y=0 b)y=tanx,y=0,x=0,x=%
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Chuong 4.56 phtic

TOAN 12

Chuong 4.

sO PHUC

§1.S0

PHUC

S6 phtte cho phép gidi mdt phuong trinh nhéat dinh ma
khdng gidi duge trong trudng sd thye. Vi dy, phuong trinh
(x + 1)2 = —9 khong cé nghiém thyc, vi binh phudng cta
mot sb thyc khong thé am. Cac sd phic cho phép giai
phuong trinh nay. ¥ tudng 1a md rong trudng s thue sang
don vi 4o i vdi i%2 = —1, vi vay phuong trinh trén duge giai.

Y

Examples:

) J25 = [(zs = Ji-das = 54
1] J"Ilp- = [=1:1L = ol = = H

1) J-1o = [-1-10 =J=1-Je = ,;J'E'

W) [B3r: [ E e = Hil

S6 phitc dugde st dung trong nhiéu linh vyc khoa hoc, nhu
khoa hoc ky thudt, dién tit hoc, co hoc lugng tit, todn hoc
tng dung chdng han nhu trong Iy thuyét hén loan. Nha
todn hoc ngudi ¥ Gerolamo Cardano 1a ngusi dau tién dua
ra s6 phitc. Ong st dung s6 phttc dé gidi cac phudng trinh
bac ba trong thé ki 16.

PINH NGHIA 5O PHUC

r

M5i biéu thic dang
phc.

a+ bi
T T

Real part  Imaginary part

o Sb i duge goi la

e D&i véi s phitc z = a + bi, ta ndi a la

o Tap hop céce sd phic ki hiéu 1a

trong d6 a, b € ... va i*> = ... dudc goi la mot sb

.........................

(The set of Complex numbers).

Vi du 1. Tim phan thyc va phan do cta cdc sb phitc —3 + 5i, 4 — iv/2, —3i, 2021.

phén do bdng . ..

o Mbi s6 thuc a déu 1a mdt sd phic véi

e SO phtic bi c6 phéan thyc bing ...
dude goi la sb

sO PHUC BANG NHAU

Hai sd phtc duge goi 1a bng nhau néu

ting bang nhau.

a1+b1i=a2+b2i(=>

a4
by

Vidu 2. Tim x, y dé hai s phitc z = x + 2+ (y + 4)i va w = 2x + 1 + (3y — 2)i béng

nhau

1= Soan: Huynh Pha Si

25

i Trusng THCS-THPT My Thuédn



§1.S6 phiic

TOAN 12

BIEU DIEN HINH HQC VA MODUN CUA SO PHUC

Biéu di&n hinh hoc ctia s phic

Diém M(...;...) trong hé truc toa do Oxy dugc goi la diém ............ ctia sb phtc
AN z=a+ bi
N(%:2) Vi du 3. Trong hinh bén, diém N biéu dién sé phic nao?
2 ____________ ’ A 9 A s
o ; Mddun cua s6 phuc
o E Cho sb phtic z = a + bi ¢ diém biéu dién la M(a;b).
: \ _ "
0 3 Mool e ctia vectd OM duge goi la mddun cta so phtc z, ki hiula......
lz| = .........
Vi du 4. Tinh modun cta céc sd phiic z; = 4 — 3i, zg = 2021, z5 = ivV7.
v S6 phic lién hgp
N(32) Cho sb phttc z =a + bi. Tagoi ......... 14 s6 phic lién hgp cla z, ki hiéu la .. ..
2 ; Vi du 5. Ghép ndi cdc cdp s6 phuc lién hop dusi day:
o
S) ! a) 3421 o 4+ 3i
L b) 4 —3i e —i\/5
0 '3 X o) ivB o 3409
S
5o 3 .
' e Trén mat phdng Oxy, cdc diém biéu dién ctia z va z déi xing véi nhau qua
_ﬁ2 ________________________
M(3; -2) _
o |Z]=...... VAZ=......

THUC HANH

@ TRAC NGHIEM

Cau 1. Cho sb phiic z = a + bi. Mddun cta z 1a

A |z] = Va® + b2 B. |z| = Va® - b2

C. |z| =a®+b% D. |z| = 2Va?% + b2
Céu 2. Cho s6 phitc z = a + bi. Khing dinh nao sau day sai?

A Z=a —bi B. Z=a + bi

C. |z| = Va® + b2 D. |z| = Va® - b2

Cau 3. Tim phdn thuc va phan do ctia sd phtc z = 2 — 3i.

A. Phdn thyc la 2 va phén 4o 1a 3. B. Phén thyc la 2 va phan do la —3.
C. Phéan thyc 1a 2 va phan do 1a 3i.  D. Phdn thuc la 2 va phan do 1a —3i.

Cau 4. SH phic c6 phan thyc bing 3 va phan do bing 4 la

A 3+ 4L B. 4 -3i C. 3 —4i D.

4 + 3i.

Cau 5. Goi a, b 1an lugt 1a phan thuc va phan 4o cla s6 phiic z = —3 + 2i. Gid trj

clia a + 2b bang

A 1 B. -1 C. —4 D.

Cau 6. Cho sb phiic z = a + bi. S6 phuc lién hgp clia z 1a

A. Z=a - bi B. z=a - bi C. z = bi D.

Cau 7. Tinh mddun cta s phic z = 4 — 3i.

A |z| =5. B. |z| = VT C. |z| =T D.

—17.
Z = —a — bi.

|z| = 25.
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§1.S6 phtec TOAN 12
Cau 8. Trong cdc sb phtic sau, s6 nao c6 moédun nhd nhat?
A 7y =1+2i B. zp=2-—1i. C. z3 =2 D z,=1+i
Cau 9. Trong cdc sb phtc sau, s6 nao c6 mddun 16n nhat?
A zy =1+2i B. zp=2—1i C. zz = 3i D. z,=1+i
Céu 10. Cho hai s phtc zy = —1 + 2i va zp = —1 — 2i. Gid tri cta biéu thtc
1" + |25|” bing
A V10 B. 10. C. —6. D. 4
Céau 11. Trong cdc sd phitc zy = —2i, zp = 2 — i, z3 = 5i, z; = 4 c¢6 bao nhiéu sd
thudn 40?
A 4 B. 1. C. 3. D. 2
Céu 12. Cho sb phitc z = (2m —1) + (m?> — 4)i, m € R. Tim m dé s6 phtc z 1a sb
thudn 4o.
A m=2m=-2 B. m=2
1 1
Cau 13. Cho a, b 1a hai s6 thyc théa man 2a + (b —3)i = 4 — 5i véi i 1a don vi do.
Gid tri cla a, b bang
A.a=1b=8 B. a=38 b=38
C.a=2 b=-2 D.a=-2,b=2
Céau 14. Tim céc sd thyuc a, b théa man (a — 2b) + (@ + b + 4)i = (2a + b) + 2bi
vdi i la don vi do.
A a=-3b=1 B. a=3 b= -1
C.a=-3b=-1. D. a=3 b=1.
Cau 15. Tim cac sb thuc x, y théa man (2x + 5y) + (4x + 3y)i = 5 + 2i.
AI~i _ 8 BJC~§ _
y ~ Mi[t:"—)yﬁ g | ~7,5yﬁ 148
C.r=-2,y=2. D.x=-2, y=—2
3 S VAL S VA
0 Lx
| Cau 16. Diém M trong hinh vé bén biéu di&n sé phtc z. Tim phan thuc va phan
| do clia z.
! A, —4Was B. 3va —4i. C. 3va —4 D. —4va3i
| Céau 17. Trén mat phéng toa do, tim toa do cta diém M biéu dién sb phtc z =
| 5_i.
| A M(50). B. M(5 —1). C. M(0; —5). D. M(51).
b M
y Cau 18. Trong mit phdng Oxy, cho cdc diém A, B nhu hinh vé bén. Trung diém
ctia doan thdng AB biéu dién s phtc
1 1
|
|
| Céu 19. Goi A, B 1an lugt biéu dién céc sb phitc z; = 2 + 3i va zy = 2 — 3i. Khing
! dinh nao sau day dung?
A 1 A. A, B d6i xting nhau qua gbc toa dd.
! ! B. A, B ddi xting nhau qua truc hoanh.
! ! C. A, B d6i xting nhau qua truc tung.
-2 @) 1 X D. A, B dbi xttng nhau qua diém I(1;0).

(¢ TU LUAN

Cau 20. Cho céc sb phitc zy = 3i, zg = —1 — 3i va z3 = m — 2i. Tap gid tri cla
tham s6 m dé s6 phtic zs c6 mddun nhé nhét trong 3 sd phitc da cho la

A [~V V8|, B. (~V55).

C. {—\@\/5} D. <—oo;\/5> U <\/5;+oo>.

Céau 1 (SGK GT12). Trén mét phdng toa do, tim tap hop diém biéu didn cdc sb phic z thoa man didu kién:

a) |z| =1

b} [z] <1

1= Soan: Huynh Pha Si
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§2.Cong, trit va nhan s6 phiic TOAN 12
§2.CONG, TRU VA NHAN SO PHUC
PHEP VONG VA PHEP TRU

Cho hai s6 phiic z; = a; + byi va z3 = ag + byi, khi dé:

® 71 +Zog=..... ...

® 7| —7Z9 = ...

Vi du 1. Thyc hién cdc phép tinh sau:

a) (3 —5i) + (2 + 4i) o) (4+3i)—(5-Ti)
b) (=2 — 3i) + (—1 — Ti) d) (2 - 3i) — (5 — 4i)

PHEP NHAN

Vi du 2. Thyc hién cac phép tinh sau:
a) (=14 0)(3+ T7i) b) (3 + 4i)(3 — 4i) ¢) (2 + 3i)?

THUC HANH

Cau 1. Cho hai s6 phtic z; = 2 —2i, zop = —3 4 3i. Khi d¢ s6 phic z; —z9 1a

A —1+1. B. -5+ 5i. C. b -bi. D. -5i.
Céu 2.
Trong hinh vé, diém P biéu di&n s phic z;, diém y
Q biéu dién s6 phttc zy. Tim sé phic z = z; +
Z9. p

A z-—1+53i B. z--3+1i -2

C z=-1+2i D. z=2+1i | 0

| 1r-------- -
-1 0 2 X

Cau 3. Chozy =1+ 2i, zp = 2 — 3i. Khi d6 w = z; — 2z bang

A. 5+ 8i B. -3+ 8i C. 3-i D. -3 -4

Cau 4. Cho sb phtic z = —% + ?i. Tim s6 phtic w = 1 + z + 2%

A.W=—%+\/731. B. w=0.

C. w=1 D. w=2-3
Cau 5. Cho s6 phiic z, khi dé z + Z 1a

A. Sb thue. B. S6 4o. C. 0 D. 2
Cau 6. Cho s6 phtc z = 2 + bi. Tinh z - Z.

A z-Z=+V4+Db2 B. z-Z=4-0b%

C. z-z=-b. D. z-Z=4+b%
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§2.Cong, trit va nhan s phuc TOAN 12

Céu 7. Gid tri ctia biéu thic z = (1 +1)? 1a
A 21 B. —i C. -2 D. i
Cau 8. Cho hai s6 phiic zy = 3+ 2i va zg = 1 —5i. Tim phan thyc va phdn o cta
s6 phtic z4 + zo.
A. Phan thyc la 4 va phan do 1a 3. B. Phdn thyc 1 4 va phan do 1a —3i.
C. Phan thyc 1a 4 va phan do 1a 3i.  D. Phan thyc 1a 4 va phan do 1a —3.

1
Cau 9. Cho hai sé phtc z; = 5~ 2i vd zy = 4 — i. Tinh mddun cta sb phtc

Z =1 "1
V34 989 17 17
Cau 10. Cho hai s6 phtc z; = 2 + 3i va zy = 1 +i. Tinh |z + 3zy].
A |7y + 32| = V1L B. |z1 + 3z9| = 11.
C. |z1 + 32| = V6L D. |z + 32| = 61.

Cau 11. Tim sb phtc lién hgp ctia s6 phtc z = (11 — 3i) + (5 + 2i)(1 —1).

A. 7 =14+ 6i. B. 7z =18 + 6i. C. z=18-6i. D. z =14 —6i.
Céu 12. Cho s phtic z théa man (3 + 2i)z + (2 — i)*> = 4 + i. Hiéu phdn thyc va
phan 4o cta z la

A 2 B. 3. C. 1L D. 0.
Cau 13. Tim hai s6 thyc x, y théa man (2x — 3yi) + (1 — 3i) = —1 + 6, véi i la
don vi do.
V0 i W Lt T VI o S | W R
y=-3 y=-3 y=-1 y=-1
Céau 14. Cho sb phtc z théa man z + 2Z = 6 — 3i ¢4 phan do bang
A 3. B. 3. C. 3i. D. 2i.
Cau 15. Tim sb phtic z théa man z — 1 + 4i = 2iZ.
9 2. 9 2. T 2. T 2.
A.Z=§~§l. BZ—Mg'l'gl Cz—g'l'gl D.Z—Mgﬁgl.
Cau 16. Cho x, y 1a cdc sb thyc. S6 phiic z = i (1 + xi + y + 2i) bdng 0 khi
A x=-1y=-2 B. x=0,y=0.
C. x=-2y=-1 D x=2y=1
Céu 17. Cho s6 phitc z thoa man |z| = 2va 2> + 1| = 4 Tinh |z + Z|+|z - Z|.
A 3+ VT B. 342V C. 7+3 D. 16.

Céu 18. Trén mat phéng toa do, tim tap hgp diém bidu didn céc sbd phtc z thda
man diéu kién |z — 2 + 3i| = 4.

A. Duodng tron tdm I(2; —3) va bdn kinh R = 4.

B. Dudng tron tdm I(—2;3) va bén kinh R = 16.

C. Duong tron tdm I(—2;3) va bdn kinh R = 4.

D. Dudng tron tdm I(2; 3) va ban kinh R = 16.

Cau 19. Cho s6 phttc z thda mén |z + 2 —i| = 3. Tim tap hop céc diém trong mat
phdng Oxy biéu dién sb phl’Ic w=1+2Z

A. Duong tron tdm I(—2;1) ban kinh R = 3.
B. Duong tron tdm I(2; —1) bdn kinh R = 3.
C. Duong tron tdm I(—1; —1) bdn kinh R = 9.
D. Duong tron tdm I(—1; —1) bdn kinh R = 3.
Cau 20. Cho sd phitc z théa man |z — 1| = |z — i|. Tim mddun nhd nhét cta sb
phtic w = 2z + 2 —i.
3 52 3
A 32 B. —. C. —. D. -
2V2 2 2
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§3.Phép chia sb phiic TOAN 12

§3.PHEP CHIA SO PHUC

TONG VA TICH CUA HAI SO PHUC LIEN HQP

Cho sb phtic z = a + bi. Khi do:

Chi : Tong va tich ctia mdt sé phtc véi sé phtc lién hop clia né 1a mot s6 ... ..
Vi du 1. Cho sb phitc z =3 —4i. Tnh z +Z va z - Z.

PHEP CHIA HAI SO PHUC

, . N . . 7 V) Z A 2 9 iN .
Cho hai s phtic zy = a + bi va zg = ¢ + di. Khi d6, dé tinh —1, ta nhén cd t va mau
Zy

cho zy, tic la

Zy Zy - Zy
B T g g T
Vidu 2 Tinh 250 oo 272
3 —92i i

Vi du 3. Tim nghich ddo ctia s6 phtc z, biét z = /2 — 3i.

z
4 —3i

Vi du 4. Tim sb phtc z théa man +2—-3i =5-2i.

THUC HANH

@ TRAC NGHIEM

Cau 1. Cho s6 phiic z = 1 + i. S6 phtic nghich ddo cta z la

) 1—i 1—i —1+i
Cau 2. Cho s6 phttc z = 2 + 3i. Tinh %
-5+ 12i 5 — 6i 5 —12i -5 —12i
A. T. B. 11 . C. 13 . D. T.
Cau 3. Tinh mddun caa sb phic z = (=2 - 321)+(—ii - 21).
A |z| = V13 B. |z| = V5. C. |z| =13 D. |z| =5.
Cau 4. Tim phdn thyc va phan 4o cta sb phic z = g ; éi

N 3 . .. 36
A. Phan thuc la —% va phan do la —%.
. Phan thuc la ~59 va phan do la ~2—l.

B
C. Phdn thyc la % va phan 4o la g
D

. Phan thye 1a % va phan 4o la gi.
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§3.Phép chia s6 phiic

TOAN 12

(¢ TU LUAN

) +
Céau 5. Cho s6 phtic z théa man z

; — 9 i Tim s6 phitc w = 1 + 7 + 7%

A, w=5-2i B. 5+ 2i C. W=§+2i. D. W=g—2i.
Cau 6. Tinh moddun cta sd phtc z théa man z(2 — i) + 13 = 1.
A |z| = V34 B. |z| = 34 C. |z| = @ D. |z| = \/?32

Céu 7. S phiic z théa man didu kién (3 + i)z + (1 — 2i)*> = 8 — 17i. Khi d6 hiéu
ctia phdn thuc va phan do cla z 1a

AT, B. -3 C. 3 D. -7
Cau 8. Cho sb phtic z théa man (1 — 2i)z + (1 + 3i)* = 5i. Khi d6 diém nao sau
day biéu dién sé phic z?

A M —3). B. N(23). C. P(-%3). D. Q-2 —3).

. 4(— i —i)? .

Cau 9. Cho so phtc z théa man z = (1 f;il) + 5 _il) . M6dun ctia so phtc
w=z-iz+11a

A |w/=Vv8. B |w=4/5  C |w=6/3  D. |w =V

Cau 10. Gid tri cta tham s6 thyc m bang bao nhiéu dé binh phuong sé phtc
(m +9i)(1 + 1)

Céu 1 (SGK GT12). Thuc hién cdc phép tinh sau:

5i
2 =3

a)

1
Cau 2 (SGK GT12). Tim nghich ddo 2 ctia sd phtc z, biét:

a) z=1+2i

2=y 1a s6 thuc?

A. Khong c6 gid tri m théa. B. m= -9

C. m=0 D. m = +9.

(1 +i)%(2i)5 g DA
b)ﬁ c) 4 31+73+6i
b) z=i ¢)z=5+iV/3

Céu 3 (SGK GT12). Gidi cdc phuong trinh sau:

a) (3—2i)z + (4+5i) =T+ 3i

b) (1 +3i)z—(2+5i)=(2+1i)z

1= Soan: Huynh Pha Si
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§4.Phuong trinh bac hai véi hé sd thuc TOAN 12

§4.PHUONG TRINH BAC HAI VOI HE SO

Pit van dé

1. Cdn bac hai cua 9 la

2. Can bic hai ctia -9 la

THUC

CAN BAC HAI CUA s THUC AM

{ Cdn bac hai ctia s thuca < 01a......... ]

Vi du 1. Tim cdn b4c hai cta —1, —4, —9.

PHUGNG TRINH BAC HAI VOI HE SO THUC

Trén tap hop sb phitc, moi phuong trinh bac n (n > 1) ddu ¢ ding ... ... nghiém (khong
nhét thiét phan biét).
Vi du 2. Gidi phuong trinh x* — 2x + 5 = 0.

THUC HANH

@ TRAC NGHIEM

Céu 1. Ki hiéu z, z, 1a hai nghiém phtc clia phuong trinh z* — 3z + 5 = 0. Gia
tri ca |z4| + |zo| bang

A 2V5 B. 3. C. V5. D. 10.
Céu 2. Goi zy, zo 1 hai nghiém ctia phuong trinh z* — 2z + 2018 = 0. Khi d6 gia
tri ctia bidu thic A = |zy + zy — 2129| béng

A 2017 B. 2019. C. 2018. D. 2016.

Céu 3. Trong tap sd phtic, phuong trinh z> — 2z +5 = 0 c6 nghiém la
A z=—-14+2i. B z=2+2 Cz=-2+2i. D. z=142.

Caéu 4. Goi S 1a tap nghiém cta phuong trinh z% + z + 1 = 0 trén tap s6 phic. S6
tap con cua S 1a
A 2 B. 1 C. 0. D. 4

Céu 5. Tim nghiém phttc ¢6 phdn do &m ctia phudng trinh z> — 4z + 13 = 0.
A z=-2-3i. B. z=2-3i C.z=-2+3. D. z=2+3i

Céu 6. Biét phuong trinh z* + az + b = 0 (a, b € R) c6 nghiém z = —2 +i. Tinh
a+b.
A 4 B. 9. C. -1 D. 1.

Caéu 7. Ki hiéu z; 1a nghiém phtc c6 phin do duong ctia phuong trinh 2z* — 6z +
15 = 0. Trén mat phdng toa do, im toa do cta diém M biéu dién sd phitc zq.

5 VoL, 5 Vol
A M <—§}Tl>. B. M <_§,T>
5 Vo1 5 VoL
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§4.Phuong trinh bac hai vdi hé s6 thuc

TOAN 12

(¢ TU LUAN

Cau 8. Tim tip nghiém S cta phuong trinh z* —7z% —18 = 0 trén tap s6 phtc.
A S={-29] B. S = |-V VE-3i3i ).
C. S = [—4i4i; —81:81}. D. S-— {—3,- 3;—@1‘;@}‘

Cau 9. Tim mot cdn bac hai cua —8.

A —2V2i. B. —2V/2. C. 2V2. D. 2v—=2i.
Cau 10. Tim cdc cdn béc hai cta —6.
A —/6i. B. =6i. C. +6i. D. 6i.

Cau 1 (SGK GT12). Tim cdc can béc hai phuc cta céc s6 sau: —7, —8, —12, —20, —121.

Cau 2 (SGK GT12). Gidi cdc phuong trinh sau trén tap s6 phic:

a) =322 +22-1=0

b) 5z — Tz +11 =0 ¢) 28 +722+10=0

1= Soan: Huynh Pha Si
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Chuong 3. Phuong phdp toa do trong khdng gian TOAN 12

— Chuong 3.

PHUONG PHAP TOA PO TRONG KHONG
GIAN

§1.HE TOA PO TRONG KHONG GIAN

Nhéc lai vé Hé toa do trong mdt phing

HE TRUC TOA DO Oxy CAC PHEP TOAN VECTO
Cho hai vectd @ = (a;a;) va b = (by;by) vasd k € R.
y
N PN {01 ......
@ = cococo
e T +b = ((11 .by;ag bQ)
TA o k- d =(..ay...ay)
> 3 T
4 [} 0 = 5600000000006000
o
o |E>| = a%+ ......
7. b
— = a...
ecos(a,b )=
, (@) [@]...|v]
e Hé truc toa do Oxy gom truc ...... Ox va truc
...... Oy, vudng géc va cdt nhau tai ............ =
ol...:..) e a va b cung phuong & dk € Rsaocho .........

PHUONG TRINH DUONG TRON
Dudng tron tdm I(a; b) bén kinh R ¢ phuong trinh la

[}
O»

Vectdi>=(u1;ug)nu7=u1...+ug...
e Diém M (x0;y0) néu OM = xy... + yo. ..

—
e AB = (IB...IA}}]B...}]A)

2 +XB ......
e Trung diém cta doan AB: I (IA IB,T> 2, 2 N 0
.. Xe+ye - X —...... y+c=
ot +X¢g .........
 Trong tam ctia AABC: G (T2 2 ) yong g9 R = Va4 B2 — L (a2 B - > )

TOA PO CUA PIEM VA CUA VECTO

H& toa dd

z Trong khong gian, hé tryc toa dd Oxyz bao gdm . .. truc Ox, Oy, Oz d6imodt ............
—_ = =
e Cdacvectd i, j, k lan lugt la cdc vectd ......... trén cac truc Ox, Oy, Oz.
e Diébm O(...;...;..)dugcgoila............
-t e Cdc mdt phang ......, ...... e doi mot vudng géc véi nhau, duge goi la cdc
}6 . * mdt phdng toa do.
| -l.->' e Khong gian vdi hé toa do0 Oxyz con dugc goi la khdng gian ......
! Toa dd ctia mdt diém va caa vecto
)
y Diém M (xo; yo; o) néu OM — ... ]

— — —_ = =
Vi du 1. Trong khong gian Oxyz, vects @ = 2 i — 37 + k,v6i i, j, k lacdc vecto
don vi. Toa dd clia vects @ la

A (12 -3). B. (2 -51). C. (2%1). D. (1;-32).

;5
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1.Hé toa dd trong khong gian TOAN 12
§ g gg

BIEU THUC TOA PQ CUA CAC PHEP TOAN VECTO

Trong khong gian Oxyz, cho hai vectd @ = (ay;as;as) va 3) = (by; by; b3). Ta cé:

N
e T+ b = ek - T =i

=
e a—b

Vi du 2. Trong khéng gian Oxyz, cho @ = (2;1;3), b = (4 —3;5), @ = (—2;4;6). Tim toa
dd cla vecto il = @ + 2b — C.

A. (10;9;6). B. (12;-9;7). C. (10;-9;6). D. (12;-9;6).
ag == - N =S =P
ag = ... e V4i vects b +# 0 thi @ va b
e T =-bodag- ciing phuong khi va chi khi 3k € R
as = sao cho ay = ......, ag = ......
@8 = coo0oo0o0
— —
e 0 =......... e AB=...............
e Trung diém ctia doan thing AB 1a M (xA hl IB; = 2 """" )
N Trongtém clia tam giéc ABC IaG<IA+xB+Ic;””é“”; ......... >

Vi du 3. Cho ba diém A(1; —1;1), B(0;1;2), C(1;0;1). Tim toa dd trong tdm G cta tam
gidc ABC.

Céau 1. Trong khdng gian Oxyz, cho hinh binh hanh ABCD. Biét A(1;0;1), B(2;1;2) va
D(1; —1;1). Toa do diém C la

A. C(20;92). B. C(229) C. C2%-279). D. C(0;—-20).

TICH VO HUONG

Biéu thic toa dd cua tich vd hudng

Trong khong gian Oxyz, tich vd hudng ctia hai vects @ = (ag; ag; az) va 3) = (by; by; bs)
duge xdc dinh bdi cOng thuc

Vi du 4. Trong khong gian v&i hé toa d06 Oxyz, cho ba vects @ = (1;2; —2), b =
(—40;1) va © = (0;%3). Tinh <E’ + ?) .

> (7:7)

=9
= —10.

SN
=| =|

+ <
+ <
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§1.Hé toa do trong khong gian

TOAN 12

Ung dung cta tich vé6 hudng

Do dai caa mot vectd

Cho vectd @ = (ay;as; as). Khi do

Vi du 5. Tinh chu vi ctia tam gidc ABC, biét réng A(1; —1;1), B(0;1;2) va C(1;0;1).

Gdc gitla hai vectd

Géc giita hai vectd @ = (ay;ag; az) va 3) = (by; by; bs) duge tinh bdi cong thitc
!
s a...
cos|(a,b)=————= ... . ...
(@) [@]...[5]

Vi du 6. Trong khong gian Oxyz, cho hai vects @ = (—1;1;0), 7 = (0;0; —1). Géc gitta @
va ¥ ¢6 sd do bang
A 1200 B. 45°. C. 90°. D. 60°.

N
Héqua: @ lb & ...............

PHUONG TRINH MAT CAU

Trong khong gian Oxyz, mdt cau (S) tdm I(a; b;c) ban kinh R c¢6 phucng trinh 1a

Vi du 7. Lap phuong trinh mét cdu trong cdc trudng hgp sau day:
a) Cé tam C(3; —3;1) va di qua diém A(5; —2;1)
b) C6 dudng kinh AB véi A(4; —3;7) va B(2;1;3)

Nhan xét: Phuong trinh mdt cau néi trén cé thé viét dudi dang

trongdd R=Va?2+b2+c2—.. . (a®+b2+c%—...>..)
Vi du 8. Tim tdm va ban kinh ctia mat cdu c6 phuong trinh

4y 422 -8 % +1=0

THUC HANH

@ TRAC NGHIEM

Cau 2. Trong khong gian vdi hé toa do Oxyz, cho vectd @ = —i + 2j — 3k. Tim
toa do cta a.
A (2, -3 1) B. (=32 -1). C. (—1;,2-3). D. (2 —-1;-3).
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Cau 3. Trong khong gian Oxyz, cho hai diém A (1;1; —2) va B(2;21). Vectd AB
c6 toa do la

A (335 -1). B. (31;1). C. (-1,-1,-3. D. (1;1;3).
Céu 4. Trong khong gian Oxyz, cho hai diém A(1;2;3) va B(3;0; —5). Toa d6 trung
diém I ctia doan thdng AB la

A 121 1) B. 1(22 -2). C. 142 -2). D. I(-1;1;4).
Céu 5. Trong khong gian Oxyz, cho tam gidc ABC v6i A(1;3;4), B(2; —1;0), C(3;1;2).
Tim toa do trong tdm G cla tam gidc ABC.

A G212 B. GI(6;3:6). C. G<3;2;3>. D. G2 —1;2).

Cau 6. Trong khoéng gian Oxyz, cho t dién ABCD ¢6 A(1;0;2), B(—2;1;3), C(3;2; 4)
va D(6;9; —5). Toa do trong tdm cta t& dién la

A (231). B. (2,3 -1). C. (=231). D. (2 -3:1).
Cau 7. Trong khong gian Oxyz, cho @ = (% —33), b = (0;2 —1), & = (3; —1;5).
Tim toa d6 ctia vectd @ = 20 + 3b — 2¢.

A (10, -2;13). B. (=22 7). C. (—=2-271). D. (=227
Céu 8. Trong khong gian Oxyz, cho ba diém A(1;2; —1), B(2; —1;3), C(-3;5;1).
Tim toa do diém D sao cho tit gide ABCD 1a hinh binh hanh.

A. D(—4;8; -b). B. D(-48;-3).

C. D(-28;-3). D. Khong ton tai.
Cau 9. Trong khong gian Oxyz cho ba diém A(2; —1;5), B(5; =5;7), M(x; y;1). V&i
gid tri ndo cta x, y thi 4, B, M thing hang?

A x=4y=T. B. x=4y=-T

C x=-4y="T D. x=-4y=-T

Céu 10. Trong khéng gian Oxyz, cho hai diém A(0;1; —2) va B(3; —1;1). Tim toa
y R —
dd diém M sao cho AM = 3AB.

A. M9 -5T). B. M(9;57). C. M(-95-T7. D. M(9 -5;-5).
Cau 11. Trong khong gian Oxyz, diém nao dudi day thudc truc Oy?
A. N(2,0;0). B. Q(0;32). C. P(20;3). D. M(0; -3;0).

Cau 12. Trong khong gian Oxyz, hinh chiéu ctia diém M (2; —2;1) trén mat phing
(Oxy) cb toa do la

A (2,0:1). B. (2;,-2,0). C. (0;,-21). D. (0;0;1).
Cau 13. Trong khong gian Oxyz, tim toa do diém H la hinh chiéu vudng géc ctia
diém A(2;1; —1) 1én truc tung.

A. H(2;0; 1) B. H(0;1;0). C. H(0;1;-1). D. H(2;0;0).
Cau 14. Trong khong gian Oxyz, cho cdc vects @ = (1;0;3) va b = (—2;2;5). Tich
vd hudéng @ - <d + E> bing

A. 25 B. 23. C. 2T D. 29.
Cau 15. Trong khong gian Oxyz, cho hai diém A(2; —1;4) va B(—2;2; —6). Tinh
do dai doan thdng AB.

A. AB =55 B. AB = V21 + V44
C. AB = \/6b. D. AB = /5.

Cau 16. Trong khoéng gian Oxyz, cho hai vects @ = (—1;1;0), ¥ = (0; —1;0). Gbc
gitta @ va ¥ c6 sb do béng
A 120°. B. 45°. C. 135° D. 60°.

Cau 17. Trong khong gian véi hé toa do Oxyz, cho mat cau (S): (x — 7)* + (y +
3)? + z> = 16. Tim toa do tAm I va bdn kinh R clia mdt cau (S).

A I(-T:30)va R = 4 B. I(7;-3%0)va R = 4

C. I[-7;%0) va R = 16. D. I(7;~%0) va R = 16.

Cau 18. Trong khong gian Oxyz, mét cdu (S): x? + y* + 2% + 4x =2y +22 -3 =0
¢6 tdm va ban kinh la

A 1% -1;1), R=0. B. I(%-1;1), R =5

C. I(-21;,-1), R =3 D. I(~21; 1), R =0.

Céu 19. Trong khong gian Oxyz, cho A(—1;0;0), B(0;0;2), C(0; —3;0). Tinh bdn
kinh mdt ciu ngoai tiép tt dién OABC.

A.Rzg. B. R =14 C.R=g. D.Rzg.
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§ g g

Cau 20. Trong khong gian Oxyz, cho mét cau (S) c6 tam la diém I (0;0; —3) va di
qua diém M (4;0;0). Phuong trinh cta (S) la

A x2+ %+ (z+3)° =95 B. x2+y%+(z+3° =5

C. x2+y%+(z 3" =095. D. x2+y%+(z—3° =5
Céu 21. Trong khong gian Oxyz, cho hai diém A(1; —2;3) va B(5;4;7). Phuong
trinh mét cdu nhén AB lam dudng kinh la

A (x =62+ (y—2°+(z—-107=1T.
B. (x —1)>+(y+2°%+(z—-3?=1T.
C.(x=3%+y—1?%+(z-5%=1T.
D. (x—57+ly— 4%+ (z — T =17,

Céu 22. Trong khéng gian toa do Oxyz, cho diém A (1; —2;3). Goi (S) 1a mat cau
chtta A ¢6 tAm I thudc tia Ox va ban kinh bang 7. Phuong trinh mét cdu (S) 1a
A (x =T+ 9%+ 2% = 49, B. (x +7)°+y%+ 2% = 49,
C. (x+57%+y%+z2 =49 D. (x —3)% + g%+ 22 = 49,
(¢ TU LUAN
Cau 1 (SGK HH12). Cho hinh hop ABCD.A’B'C'D’ biét A(1;0;1), B(2;1;2), D(1; —1;1), C'(4;5; —5). Tinh toa dd cdc dinh con
lai cta hinh hop.

Cau 2 (SGK HH12). Tinh @ - b biét

a) @ = (30;,—6)va b = (% —40) b) @ = (1,592 va b = (43 —5)

Vocabulary - [0 %

space khong gian coplanar dong phdng scalar product tich vd hudéng

plane mat phdng midpoint trung diém length do dai
coordinates toa do centroid trong tdm sphere mdt cau

point diém parallel cing phuong radius ban kinh
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§2.PHUONG TRINH MAT PHANG

Nhéc lai vé Phuong trinh tdng quét ciia dudng théng trong mét phing

- A 9 Y 2 b
VECTO PHAP TUYEN CUA DUONG THANG L e N L i A A
Cho dudng thang A va vectd n' &+ 0. Néu ...... cla n a = by
vudng goéc véi A thitandi  lavectd ............ clia A.

: .Néu;2=5#gthiA1vaA2 ...............

Lo
n
T @ b N
: e Neu — = —=—thiA;vaAy...............
I as bg Co
| A e e e -
! Géc gittia hai dudng thang la mét gée ... .. dugc xdc dinh
e Mbi dudng thing ¢ ......... vectd phdp tuyén. bdi cong thite
e Néu 7" la vectd phdp tuyén ctia A thi k- 7' ciing la lay -ag+...... |

cos (A, Ag) =

............... cua A.

PHUONG TRINH TONG QUAT CUA DUONG THANG
Cho dudng thing A di qua diém M (xo; yo) va 6 vectd phdp

. — , o KHOANG CACH TU MOT PIEM PEN MOT DUONG
tuyén n = (a;b). Khi d6 2

THANG
A ox—..)+...(y—..)=0 Khodng cdch tit diém M (xo; o) dén dudng thdng A: ax +
i . by +c = 0 bing
VI TRi TUONG POI VA GOC GIUA HAI PUGNG THANG
Cho hai dudng théng Ar:apx + by +cp = 0va Ay agx + a...+b...+c
boy + ¢y = 0. d(M,A) =

L2y 2

VECTO PHAP TUVEN CUA MAT PHANG

Tich c6 hudng

—

Trong khong gian, cho hai vects @ = (aj;ag;as) va b = (by; by; bs). Tich c6 hudng cia
. — T 9 A e

hai vectd @ va b lamot .................. véicd a va b.

{7,?} = (e, P P )

Vi du 1. Tinh tich ¢6 hudng ctia hai vects W = (2;1; =2) va v = (—12;6;0).

Vectd phdp tuyén ctia mat phang

Pinh nghia

Cho mét phdng (). Néu vects 7" + 0 vach...... vudng goéc véi mét phang (a) thi
— N N

n duge goila vects ............ cla (a).

e M&i mat phdng c6 ......... vectd phép tuyén.

e Néu T 1a vectd phdp tuyén ctia (@) thi k- 0 cing la ............... cta (a).

Vi du 2. Trong khéng gian Oxyz cho ba diém A(2; —1;3), B(4;0;1), C(—10;5;3). Hay tim
toa do mot vectd phdp tuyén clia mdt phang (ABC).
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PHUONG TRINH TONG QUAT CUA MAT PHANG

Dinh nghia
Trong khong gian Oxyz, cho mat phing (a) di qua diém M (xo; yo; zo) va ¢ vectd phdp
tuyén 1’ = (a;b;c). Khi d6

alx—..)+...(p...3%) +c(..—2)=...

» Mit phing (@) : Ax + By + Cz + D = 0 c6 mdt vects phdp tugén m = (...;...;...).
Vi du 3. M4t phdng (a) : 4x — 2y — 6z + 7 = 0 c6 mot vects phap tuyén 1a ............

Vi du 4. Trong khong gian Oxyz cho ba diém A(2; —1;3), B(4;0;1), C(—10;5;3). Lap
phuong trinh tdng quét ctia mat phing (ABC).

Cdc trudng hgp riéng
Trong khong gian Oxyz, cho mat phing (a): Ax + By + Cz + D = 0.

A = 0: (a) song song hodc trung véi truc ... ...
B = 0: (a) song song hodc trung véi truc ......
C = 0: (a) song song hodc trung véi truc . ... ..

D =0: (a) di qua diém .........

B = 0: (a) song song hodc tring véi mét phéng ... ...

(@) song song hodc triing véi mat phing ... ...

A
A=C=0
B = C = 0: (a) song song hodc triing véi mat phing ... ...

Vi du 5. Mét phdng (8) song song véi mdt phdng Oxz va cét truc tung tai diém cé tung
do bdng 3. Viét phuong trinh mét phang (B).

Phuong trinh mat phéng theo doan chén

Néu mdt phang (a) cdt cac truc Ox, Oy, Oz 1an luot tai A(a; 0;0), B(0; b; 0) va C(0;0;c)
thi
XYz
(oc).a+b+C

Vi du 6. Viét phuong trinh mat phang (HKT), biét H(2;0;0), K(0;0;5), T(0; —3;0).

PIEU KIEN DE HAI MAT PHANG SONG SONG, VUONG GOC

Trong khong gian Oxyz cho hai mét phang (a) : Ajx + Byy + Cyz+Dy = 0va (B) : Agx +
Boy + Coz + Dy = 0. Khi dé:

o (a)/(B) & {(Al; Bi; Cq) ... k(Ag; By; Cy) o (@)= o {(AU Byi; Cy) ... k(Ag; By; Co)

Dy ... kD, Dy ... kD,

Vi du 7. Trong khong gian Oxyz, cho mdt phing (Q): 2x —y + 5z — 15 = 0 va diém
E(1;2; —3). Mt phing (P) qua E va song song véi (Q) ¢6 phuong trinh la

A x+2y-3z+15=0. B. x+2y -3z —-15=0.

C. 2x —y+5z+15=0. D. 2x —y +5z-15=0.
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KHOANG CACH TU MOT PIEM PEN MQT MAT PHANG

e N\
Trong khong gian Oxyz, khodng cdch tit diém M (xo;¥o;z0) dén mét phdng
(@): Ax + By + Cz + D = 0 dugc tinh bdng

A...+B...+C...+D
Vo2 2y 2

d (M, (a)) =

\\

Vi du 8. Tinh khodng céch tit diém Q(1;0; —3) dén mét phing (y): x — 2y + 22 — 5 = 0.

Vi du 9. Tinh khodng cdch giita hai mét phdng (A):x — 2y + 2z +5 =0va (y): x —
2y +2z—-5=0.

THUC HANH

@ TRAC NGHIEM

Cau 1. Trong khong gian Oxyz, cho ba vectd @ = (3, —1;-2), b = (1;2;m) va
¢ = (51;7). Tim gid tri cta m dé [d’, 5] =c.

A m=-1. B. m=0. C. m=1 D. m=2
Cau 2. Trong khong gian véi hé toa dd Oxyz, cho mét phing (P): 2x —5y —8 = 0.
Tim toa do mot vectd phdp tuyén clia mdt phang (P).

A T =(2-5-8). B. 7 = (2, -50).

C. 7 =(20;-5) D. @ =(-1;,-20).
Cau 3. Trong khodng gian vdi hé toa do Oxyz, phuong trinh nao dudi day la
phuong trinh ctia mat phdng di qua diém M(5;2; —1) va c6 vectd phép tuyén n =

(1,1, =2)?
A x+y—-22+9=0. B x+y—-22-9=0.
C. bx+2y—-z+9=0. D. bx +2y —z-9=0.

Céu 4. Trong khong gian véi hé toa dd Oxyz, cho ba diém A(2;1; —1), B(—1;0; 4)
va C(0; —2; —1). Phuong trinh nao dudi day la phuong trinh ctia mét phdng di qua
diém A va vudng géc véi dudng thing BC?

A x -2y -5z2-5=0. B. x -2y -5z+5=0.

C. x—2y-5z-2=0. D. 2x+y—-z-5=0.

Céau 5. Trong khong gian vdi hé toa do Oxyz, phuong trinh nao dudi day la
phuong trinh ctia mdt phing di qua diém M(1; —2;0) va song song véi mdt phing
P)x—y+32—-6=0?

A x—y+3z—-1=0. B x—y+3z+1=0.

C. x—-y+3z-3=0. D x—-y+3z+3=0.

Céu 6. Trong khong gian Oxyz, cho A(2; —3;0) va mét phang (a): x+2y —z+3 = 0.
Tim phuong trinh mdt phing (P) di qua A sao cho (P) vudng goéc véi (a) va (P)
song song vdi truc Oz?

A 2¢+y—-1=0. B. y+2z+3=0.

C. 2xr—-y—-T7=0. D. x+2 —z+4=0.

Cau 7. Trong khong gian Oxyz, chon cdu ding trong cdc cdu sau:
A. Mét phdng toa do (Oxy) c6 phucng trinh z = 0.
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B. Mit phéng toa do (Ozx) c6 phuong trinh x = 0.
C. Mgt phéng toa do (Oyz) c6 phudng trinh y + z = 0.
D. Mit phéng toa do (Oxy) cé phuong trinh x + y = 0.

Cau 8. Mdt phang (P) tiép xtc v6i mat cau (S): (x — 1) + (y + 3)%> + (z — 2)* = 49
tai diém M(7; —1;5) c6 phudng trinh la
A. 6x + 2y +3z—-55=0. B. 6x +2y + 3z +55=0.
C.3x+y+z-22=0. D. 3x+y+z+22=0.

Céau 9. Trong khoéng gian Oxyz, cho tt dién ABCD c6 A(3; —21), B(—4;0;3),
C(1;4; —3), D(2;3;5). Phudng trinh mét phdng chita AC va song song v6i BD la

A 12x —10y + 21z — 35 = 0. B. 12x +10y — 21z + 35 = 0.

C. 12x + 10y + 21z + 35 = 0. D. 12x — 10y — 21z — 35 = 0.
Cau 10. Trong khong gian Oxyz, mit phing di qua diém M (1;1; —1) va vudng
x+1 y—-2 z-1

21

A 20 +29+2z+3=0. B. x -2y —-z=0.
C. 2x+2y+2z-3=0. D. x -2 -2z-2=0.

Céu 11. Trong khéng gian Oxyz, cho hai diém A(4;1; —2) va B(5;9;3). Phudng
trinh mdt phang trung tryc cia doan AB la

A. 2x +6y —5z+ 40 =0. B. x+8y—-5z-41=0.

C. x—-8y—-52-35=0. D. x+8y+52—-47T=0.

Céu 12. Trong khong gian Oxyz, cho mdt phing (P) chtta diém H(1;2;2) va cét
cée truc Ox, Oy, Oz 1an lugt tai 4, B, C sao cho H 14 tryc tdm cta tam gidc ABC.
Phuong trinh mat phdng (P) la

A x+2y—-2z2—-9=0. B. 2x+y+z—-6=0.

C. 2x+y+z-2=0. D x+2+22-9=0.

Cau 13. Trong khong gian Oxyz, cho ba diém A(—2;0;0), B(0;0;7), C(0; 3; 0). Phudng
trinh mdt phidng (ABC) 1a
z

géc véi dudng thdng A: ¢6 phuong trinh la

x y X y z
A.?+Z+§—1. B ?+§+Z—O.
C._—2 = 7=1. D._—2+3+7+1=0.

Céu 14. Trong khong gian Oxyz, cho diém G(1;2;3). Goi (P): px+qy+rz+1 =0
(p, q, r € R) 1a mét phéng qua G va cdt cdc truc Ox, Oy, Oz tai A, B, C sao cho

G la trong tdm ctia tam gidc ABC. Tinh T =p +q + r.

1 1
A T——E B'T:E' C. T=18 D. T=-18.

Cau 15. Trong khong Oxyz, goi 4, B, C lan lugt 1a hinh chiéu vudng géc cia
diém M(1;2;3) 1én cdc truc toa dd. M4t phing (ABC) cb phﬂdng trinh 1a

1 2 3 y
A’E+§+5_1' B'T+§ 3 =1
1 2 3 x y z
C. —+—-+-=0. D. —+Z+_-=0.
xy 17973
Cau 16. Trong khdng Oxyz, goi M, N, K 1an lugt 1a hinh chiéu vudng géc caa
diém A(2; =3;1) len cdc mdt phéng toa do. Phuong trinh mat phdng (MNK) la
xr y
A. g ;—l—; 1. B. 3x — 2y + 6z = 6.

Cau 17. Trong khong gian Oxyz, cho hai mat phing (P): x —3y + 2z —1 = 0 va
(Q): x —z + 2 = 0. Mt phang (a) vudng géc véi cd (P) va (Q), ddng thdi cét truc
Ox tai diém c6 hoanh d6 bdng 3. Phudng trinh cta (a) 1a

A x+y+z-3=0. B x+y+z+3=0.

C. -2xr+z+6=0. D. 2xr+z-6=0.

Céu 18. Trong khong gian Oxyz, cho diém M(2;1; —2) va hai mat phéng (a): x +
y—22—4=0,(B):2x —y + 3z + 1 = 0. Viét phuong trinh mdt phing (P) di qua
M ddng thdi vudng goc véi giao tuyén cta (a) va (B).

A x—-Ty+3z+11=0. B. x-Ty-3z-1=0.

C. x—y+3z+5=0. D. x+y-32-9=0.
Céu 19. Trong khong gian Oxyz, cho ba diém A(3; —1;2), Bl4; —1; —1) va C(2;0;2).
Mét phdng di qua ba diém A, B, C c6 phudng trinh la

A 3x—-3y+z—14=0. B. 3x +3y+z-8=0.

C. 3x—-2y+z-8=0. D. 2x+3y —z+8=0.
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Céu 20. Trong khong gian Oxyz, diém M(a;b;c) thudc mat phdng (P): x +y +
z—6=0.Tong a + b + ¢ bang

A. 6. B. —6. C. 0. D. 5
Céu 21. Trong khong gian Oxyz, mat phing (P): x — 3y + 1 = 0 di qua diém nao
sau day?

A AB 1), B. B(1;-31). C. C(-1;0;0). D. D(1;0;0).

Cau 22. Trong khong gian Oxyz, cho hai mdt phang (P): 2x —y —z — 3 = 0 va
(Q): x —z — 2 = 0. Tinh sb do géc giita hai mat phdng (P) va (Q).

A. ((P),(Q)) = 30°. B. ((P),(Q)) = 45°.

C. ((P),(Q)) = 60°. D. ((P),(Q)) = 90°.

Céu 23. Trong khong gian Oxyz, cho t dién ABCD ¢4 A(0; 2;0), B(2;0;0), C <0; 0; \@)
va D(0; —2;0). Tinh s do géc ctia hai mdt phdng (ABC) va (ACD).

A, 30°. B. 45°. C. 60°. D. 90°.
Céu 24. Khodng cdch tit M (1;4; —7) dén mdt phing (P): 2x —y + 22 -9 = 0
la

A b B. 12. C. 2—5 D. 7.
Céu 25. Khoang céch giita mdt phéng (P): 2x —y + 3z +5=0va (Q): 2xr —y +
3z +1 = 0 bang

A 4 B O C. 6 D. -

Céau 26. Trong khong gian véi hé toa dd Oxyz, phuong trinh ndo dudi day la
phuong trinh ctia mdt cdu c6 tam I(3; —1;0) va tiép xtc v&i mdt phang (P): x +
2y — 2z —10 = 0?

1

A (x =3+ F+1)2%+22=0. B. (x—3)2+(y+1)2+z2=§.

1

C. x+3?+y—-12+22=0. D. (r+3)2+(y~1)2+22=§.
Cau 27. Trong khong gian Oxyz, cho hai mit phdng (P): 2x — 3y + 4z + 20 = 0

va (Q): 4x — 13y — 6z + 40 = 0. Vi trf tuong ddi cta (P) va (Q) 1a
A. Song song.
B. Trung nhau.
C. Cét nhau nhung khéng vudng géc.
D. Vuodng gdc.

Cau 28. Trong khdng gian Oxyz, cdp mdt phing nao sau ddy song song vdi

nhau?
A (P):2x —y+z-5=0va(Q): —3x+ 2y —2z + 10.
B. Rix—-y+z-3=0va(S):2x—2y+2z+6=0.
C. (T):x~y+z=0va(U):£~X+§=O.

2 2 2

D. (X):3x—y+22-3=0va(V):6z—-2y—6=0.
Caéu 29. Trong khong gian Oxyz, cho diém A(—1;2;1) va hai mdt phdng (P): 2x +
by —6z —5=0, (Q): x + 2y — 3z = 0. Ménh d& ndo sau day la ding?

A. Mét phing (Q) di qua A va song song véi (P).

B. Mit phéng (Q) khong di qua A va song song vdi (P).

C. Mit phéng (Q) di qua A va khong song song véi (P).

D. Mit phéng (Q) khong di qua A va khdng song song véi (P).

Cau 30. Trong khong gian Oxyz, cho hai mét phang (P): x — 3y + 2z + 1 = 0 va
(Q): @m —)x + m(1 — 2m)y + (2m — 4)z + 14 = 0. Tim m dé (P) va (Q) vudng
gdc véi nhau.

A.m=1hoécm=—§. B.m=—1hoécm=—g.
C. m=2 D.m=g.
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(¢ TU LUAN
Cau 1 (SGK HH12). Viét phuong trinh clia mdt phdng

a) Di qua diém M(1; —2;4) va nhan 1 = (2;3;5) lam vectd phép tuyén;

b) Pi qua diém A(0; —1;2) va song song véi gid clia mdi vects U = (321) va v = (=30;1);
¢) Di qua ba diém A(—3;0;0), B(0; —2;0) va C(0;0; —1);

d) Di qua diém M(2; —1;2) va song song v6i mat phdng (8): 2x —y + 3z + 4 = 0;

e) Di qua hai diém A(1;0;1), B(5;2;3) va vudng géc véi mat phdng (B): 2x —y +z — 7 = 0;
f) Trung tryc ctia doan thang AB véi A(2;3;7) va B(4;1;3).

Cau 2 (SGK HH12). Xdc dinh cdc gid tri cla m va n dé mdi cdp mdt phdng sau day la mot cdp mat phdng song song vdi
nhau:

a) 2r +my +3z—-5=0vanx -8y —6z+2=0 b) 3x =5y +mz—-3=0va2x+ny—-3z+1=0
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§3.PHUONG TRINH DUONG THANG

Nhéc lai vé Phuong trinh tham s6 ctia dudng thdng trong mégt phing
VECTO CHI PHUONG CUA DUGNG_’I)‘H]'?)\NG PHUONG TRINH THAM SO CUA DUONG THANG
Cho dudng thdng A va vects @ #+ 0. Néu gid cta n=  Cho dudng thdng A di qua diém M (xg; yo) va 6 vectd chi
............ hodc ...... véi A thi ta néi u 1a vectd phuong u = (uy; up). Khi dé
............ clia A
u t
_______ e A [T =
V=...... + .o t
A Chu §: Néu uy, uy + 0 thi phudng trinh trén cé thé viét
e Mbi duong thdng c6 ......... vectd chi phuong. dudi dang chinh tac nhu sau:
e Néu U 14 vectd chi phuong cia A thi k- U ciing la e e
............... clia A. =

PHUONG TRINH THAM $O CUA PUONG THANG

DPinh nghia - O %

Trong khong gian Oxyz cho dudng thing A di qua diém M (xo; ¥o;zo) va nhan
U = (uy; uy; uz) 1Jam vects chi phuong. Khi d6 phuong trinh tham sb clia A ¢6 dang

X=...... oo t
A Sy=...... +oo t )
Z=...... + ... t

frongdofla............

Vi du 1. Viét phuong trinh tham s ctia dudng thdng A di qua diém A(1; —2;3) va c6
vectd chi phuong v = (1;4;5).

Néu uy, uy, us + 0 thi phuong trinh (1) c6 thé viét dusi dang chinh tdc nhu sau:

X—... §—... §—...

Vi du 2. Viét phuong trinh chinh tdc ctia dudng thing AB véi A(1; —2;3) va B(3;0;0).

Vi du 3. Cho dudng thdng A: IT_i - yT—Q = % Mét phdng nao sau ddy chita dudng
thdng A?
A (a):2x+4y+6z+9=0.
C MN:x+y—-z-3=0.

B. B):x+y—-2z+3=0.
D. (9):x+2y—2z+3=0.
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HAI DUONG THANG SONG SONG, CAT NHAU, CHEO NHAU

( Diéu kién dé hai dudng thing song song )

Goi U, ¥ lan lugt 1a vecto chi phuong ctia hai dudng thing A, Ay va diém M € A;.

oAiEAQ(%{

Vi du 4. Cdp dudng thdng nao dudi diy song song, triing nhau?

(x =3t x =23t
a)d: 3y=4+t vad: qy=5+3t
[z =52t z=73—06t
[(x =1+t x=2+2t
b) d: 1y =2t vad: <y =73+4t
(z=35—1 z=5-2t

( Diéu ki¢n dé hai dudng thing cit nhau )
x =x,+wnt
vad': 4y =y, + wt’
z =z5+ vt

x =x9+ uyt
Y =30+ ust
zZ = 7y + ust
khi hé phuong trinh

Hai dudng thang d: cdt nhau khi va chi

X0 + wt = x5 + wit’
Yo + ugt = J/6 + VQt/
zo + uzt = 26 + V3l”

c6ding ...... nghiém.
x=3—t x=1+2t
Vi du 5. Tim giao diém cta hai dudng thdng di: 4y =2 -3t vady: 4y =3t
z =t z=73-3t

( Didu kién dé hai dudng thing chéo nhau )

x =x5+nt
y =y, +wt
z =zy+ vst'
phuong va hé phuong trinh

x =x9+ ut
Hai dudng thing d: <y =y + upt  vad’: chéo nhau khi va
z = 79 + ust

chi khi hai vects W, ¥V ...ooovnn...

Xo + uyt = I(/) oy Vlf/
Yo + ugt = J/(/] + VQt/
zp + ust = zj + vst’
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x=5-t x=1+2t
Vi du 6. Xétvi tri tudng ddi ctia hai dudng thingdy: 4y =2 -3t vady: 4y =3 -t
z=4+t z = -3t

x =xo + uyt

Dé tim giao diém ctia dudng thing A: <y = o + ust  va mdt phdng (a) : Ax +
zZ = 7y + ust

By + Cz + D = 0, ta xét phuong trinh

A(xo + wt) + Blyg + ugt) + Clzp + uszt) + D =0 (1)

e Néu (1) v nghiém thi A......... (a)

e Néu (1) v0 s6 nghiém thi A......... (a)

e Néu (1) c6 dung mot nghiém thi A......... (@)

4 ‘Y
\ /
A
\
o 24 \ o
dil(a) dm(a)= {M} dc(a)

Vi du 7. Tim giao diém ctia mdt phdng (a): x + y + z — 3 = 0 vdi céc dudng thdng sau:

x =2+t x=1+2t x =1+5t
d)dil y=35—1 b)dgi y=1-t C)dgi y=1-—4t
z=1 z=1-t z=1+73t
® TRAC NGHIEM
Céu 1. Trong khéng gian Oxyz, diém nao dudi day thudc dudng thdng d: x__+11 =
A P(-1;21). B. Q(1;-2-1). C. N(-1,32). D. M(1;2:1).
xr=23
Cau 2. Trong khong gian véi hé toa dd Oxyz, cho dudng théng A: 4y = 2 + 2t
z=1-73t

Tim toa do diém M thudc dudng thdng A.
A MO0;%-3. B M(32%09). C. M(3409). D. M(30;4).

7= Soan: Huynh Pha Si 48 i Trudsng THCS-THPT My Thuédn



§3.Phuong trinh dudng thing

TOAN 12

x=2+t

Cau 3. Trong khong gian véi hé toa dd Oxyz, cho dudng thang A: {y =3 — ¢

Tim toa do mot vects chi phuong cta A.

1, —1;0).

z=1

A U= B. W = (1;—1;1)
C. T =(23%1) D. 7 = (230)
Céau 4. Trong khong gian Oxyz, vectd nao dudi day la mot vectd chi phuong cta
dudng thdng di qua hai diém M (2;3; —1) va N (45;3)?
A w = (L51). Bouw=(LL2. Couw=341). D ow=(342.

x -1 _y—3_z—7

Cau 5. Trong khong gian Oxyz, dudng thing d: nhan

2 —4 1
vectd ndo dudi day la mot vecto chi phuong?
A @ =(-2—41) B. b= (241).
C. ¢=[;-42). D. d = (2 —41).

Cau 6. Trong khdng gian vdi hé toa do Oxyz, phuong trinh nao dudi day la
phuong trinh ctia dudng thdng di qua diém M(2; —2;2) va cé vects chi phuong

o= (31;1)?

x=1+3t [(x = 2+ 3t
A Jy=-1+t 1y =-2+t
kz=1—|—t kz=2+t
(x =3+t [(x =3+ 0t
C. {y=1—t Cdy=1-9t
z=1+t \z=1+21‘

Céau 7. Trong khdng gian véi hé toa dd Oxyz, phuong trinh nao dudi day la phuong
trinh ctia dudng thdng di qua hai diém A(1;1;2) va B(6;11; —3)?

x -5 y—10_2+5

A. =
1

x+5 y+10_z—5

2 1 2 2
C x—i_y—i_z—Q x+1_y+1_z+2
12 T 2 -1

Cau 8. Trong khdng gian vdi hé toa do Oxyz, phuong trinh nao dudi day la
phuong trinh clia dudng thdng di qua diém M(0; 4;1) va vudng géc véi mdt phang

(P):2x =%y —z=0?

(x = =2 (x =2
A Sy=2+4t 1y = -2+ 4t
[z =1+t (z=-1+1
(x =t (x = ot
C Jy=4-—t . Sy =40t
(z=1-2t (z=1-t
Céu 9. Phuong trinh dudng thing A di qua diém A(3;2;1) va song song véi dudng
thing £ = ¥ = 243,
2 4 1 i
x =3—2t x =2+ 3t
A Jy=2-—4t 1y =4+2t
(z=1-t (z=1+t
[(x =2t [x =3+ 0t
C. {y =4t L qy =24t
(z=3+1 (z=1+t

Cau 10. Trong khong gian Oxyz, cho diém A(3;5;3) va hai mat phéng (P): 2x +
y+22—-8=0,(Q): x —4y + z — 4 = 0. Viét phuong trinh dudng thdng d di qua
A va song song véi cd hai mat phang (P), (Q).

[(x =3+ (x =3+
A d: qy=5-t .d:4y=5H
|z=3 (z=3—1
[(x =3+t [x =3
C.d:qy=5H .d: qy =5+t
[z =3+t (z=3—1t
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2 . +3
Cau 11. Trong khéng gian Oxyz, cho diem M(1; —3;4), dudng thang d: IT =

y~5_z~

2 . i .
va mdt phang (P): 2x + z — 2 = 0. Viét phuong trinh dudng thang

A di qua M, vudbng géc véi d va song song véi (P).

_x—i_y+3_z—4 _r—i_y+3_z—4
A A: I 1 = _13 = _24. B. A: _11 = _13 = _24.
x — v+ z— x — v+ z—
LA = = . LA = = .
¢ 1 1 -2 D 1 -1 2
N R . . . x -1 y+5 z-3
Céau 12. Trong khong gian Oxyz, cho dudng thang d: 5 T~

Phuong trinh nao dudi ddy 1a hinh chiéu vuéng géc cia dudng thdng d trén mat
phang (P): x +3 = 0?

(xr = -3 [x = -3
A Jy=-b-t . B. yy=-5+1
|z = -3+ 4t [z =3+4t
(x = -3 (x = =3
C. qy=-5+2t . D. ty=-6-t
(z=3—1 [z ="T+4t
A R . . g x—1 y-3 z-1 ,
Céau 13. Trong khong gian Oxyz, cho dudng thang d: 5 T 1 T cat
mét phing (P): 2x — 3y + z — 2 = 0 tai diém I(a; b;c). Khi dé a + b + ¢ bing
AT B. 3. C. o D. b5
Céu 14. Trong khéng gian Oxyz, hinh chiéu vuéng géc ctia diém A(—1;1;6) trén
x =2+t
dudng thing A: 4y =1-2t la
z =2t
A M3 -12). B. H(11; -17;18).
C. K(21;0). D. N(1;3 -2).

Céu 15. Trong khong gian Oxyz, toa dd hinh chiéu vudng géc ctia diém A(3;2; —1)
lén mdt phdng (a): x +y +z =014

52 17 111

A (=21;1). B. <3, 7 —3>. C. (1;1;,-2). D. <2, 7 4>.
Cau 16. Trong khong gian véi hé toa do Oxyz, cho hai dudng thing A: % =

+9 3 ren ot
yT -4 = Vi AT {y— -2t . Meénhdé nio dusi day ding?

z=3+1
A. A song song véi A, B. A trung véi A
C. A vudbng géc véi A D. A va A’ chéo nhau.

2 + 4
Cau 17. Trong khong gian véi hé toa do Oxyz, cho dudng thang A: xT =

‘VTM _z=3 va mdt phing (P): 4x + 2y + (m — 1)z + 13 = 0. Tim gid tri cia m
dé (P) vudng géc véi A.
A. m=-T B. m="T. C.m=—%. D.m=%.
x=1

Cau 18. Trong khong gian Oxyz, cho dudng thing d: {y =1 + ¢ va hai mat
z=-1+t
phing (P):x —y+z+1=0,(Q): 2x +y —z — 4 = 0. Khing dinh ndo sau day
ding?
A. d//(P). B. d/(Q). C. (P)n(Q)=d. D. dL(P).
x -2

Céu 19. Trong khong gian Oxyz, cho diém M(1;0;3) va dudng thing A:

‘VTH -2 _22. Tinh khodng cach tit diém M dén dudng thing A.
A 1
A Jj B. @ C. g D. V2

Cau 20. Trong khong gian Oxyz, cho mét cau (S): (x —2)%+(y —3)* + (z—5)*> = 100
va diém M(—3;3; —3) ndm trén mdt phdng (a): 2x — 2y + z + 15 = 0. Dudng thing
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A ndm trén mdt phdng (a), di qua M va cdt mdt cau (S) tai hai diém A, B sao cho
doan thdng AB cé do dai 16n nhét. Viét phuong trinh dudng thing A.

A x+3_y—3_z+3 B x+3_y—3_z+3
1 1 3 16 11 —10°
C x+3_y—3_z+3 D x+3_y—3_z+3
5 1 8 1 46

(¢ TU LUAN
Cau 1 (SGK HH12). Viét phuong trinh tham sb clia dudng thidng d trong mdi trusng hgp sau:

a) d di qua diém M(5;4;1) va ¢ vectd chi phuong @ = (2; =3;1);

b) d di qua diém A(2; —1;3) va vudng goc véi mat phing (a):x +y —z+5=0;

x=1+2¢
¢) d di qua diém B(2;0; —3) va song song véi dudng thing A: 1y = —3 + 3t
z + 4t

d) d di qua hai diém P(1;2;3) va Q(5; 4; 4);

Cau 2 (SGK HH12). Xét vi tri tuong dbi cla cdc cdp dudng thdng d va d’ cho bdi cdc phuong trinh sau:

x=-3+02t x =5+t x=1+t x=1+2t
a) d: qy=-2+3 wvad: qy=—-1—-4t bjd: 3y =2+t vad:-<qy=-1+20
z =0+ 4t z=20+"t z=3—-1 z=2-=-2t
x=-3+2t
Cau 3 (SGK HH12). Tinh khodng cdch giita duong thing A: 1y = —1 + 3t  va mat phing (a): 2x —2y +z + 3 = 0.
z=—1+2¢
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PHU LUC

S3 GIAO DUC VA PAO TAO PE KIEM TRA HOC Ki IT NAM HQC 2018-2019
VINH LONG MON: TOAN 12 THPT
(Pé c6 05 trang) Thoi gian lam bai 90 phut (bao gdm trdc nghiém va tu ludn)
Ho va tén hoc sinh: ... Ma dé 101

I. PHAN TRAC NGHIEM (40 cau, 8.0 didm)

Cau 1. Cap s nao sau day c6 tinh chat "Cé mdt ham s6 14 nguyén ham cta ham sd con lai"?

A. tanx? va —- B. sin2x va sin®x. C. efvae™. D. sin2x va cos?x.
Cos? x
Cau 2. Phat biéu nao sau day la dang?
A. /rsinrdx = xcosx + sinx + C. B. /rsinxdx = —xcosx + sinx + C.
C. /xsinxdx = —xcosx —sinx + C. D. frsinrdx =xcosx —sinx + C.

! 0 va F(2) = 1. Khi dé F(3) bang bao nhiéu?

Cau 3. Biét F(x) 1a nguyén ham cta ham sb f(x) =

A In g B. In2+ 1. C. In2 D. %
Cau 4. Biét f(x +3) e dy = —ie’y’“i(?)x + 1)+ C véi m, n la céc sd nguyén. Tinh téng S = m + n.
A. 10. B. 1. C. o D. 10.

1
Cau 5. Cho ham sd y = f(x) c6 dao ham trén doan [~2;1] va f(—2) =3, f(1) = 7. Tinh I = /]‘/(x) dx.

-2

A. I=%. B. [ = -4 C. I =10. D. I =4
Céu 6. Cho ham s6 y = f(x) lién tuc trén doan [a; b]. Ménh d& ndo dudi diy sai?
b a b
A /]‘(x)dr= —/f(r)dr. B. /kdx=k(a—b), Vk e R
a b a
b c b b b
C. /f(x)dx = /f(x)dx+/f(x)dr, Ve € (a; b). D. /f(x)dx = /f(t)dt.
a a C a a
3

9
A A X _

Céu 7. Néu O/H\/mdr = 1/]‘(1‘)

A () =2 1. B. flf) = 26> + Ot. C. flt)=t>+t. D. flf) = 2> — ot.

dt, véi t = v/1 + x thi f(f) 1a ham sb nao trong cdc ham s6 duéi day?

2
Céu 8. Tinh tich phan I = / (x +2)°dx.
0

A. T =060 B. I = 240. C. I =56. D. T =120
e’ 9
Cau 9. Tinh I = j @ dr duge Két qua 1a
4 5 1 13
A. 3 B. 3 C. 3 D. ER
5 1
Cau 10. Biét rdng / 1 dx = Ina. Gid trj cta a 1a
1
A. 81. B. 27. C. 3 D. 9.
cosx

4 .
Céau 11. Cho dx = alng + b, véia, b lacdc s6 hitu ti, ¢ > 0. Tinh tong S = a + b + c.

o\«mm

(sinac)2 —5sinx + 6
A §=3 B. S=4 C. S§=0. D. S=1
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5

Cau 12. Gid st /

2 =alnb5+bIn3 + cIn2 Tinh gid tri biéu thtc S = —2a + b + 3c2
3
A S=13 B. S=6. C. S=-2 D. S=0.
7 i
a N A A A P \ IQ f(I)
Céu 13. Cho ham sd f(x) lién tuc trén R, biét | f (tanx) dx = 4 va T
0

0
A. 6. B. 1 C. 0. D. 2

1
dx = 2. Tinh I = /f(x) dx.
0

. 1 .
Céau 14. Dién tich hinh phang dugc gidi han bdi dudng cong y = érg va dudng thang y = x duge tinh theo cong thiic nao
sau day?

2 2 2 2
1 ’ 1
A S=/|x2—21|dx. B. 5=/ dx. C 5=/<2x2—x> dx. D. 3:/<2x2—x> dx.
0 0 0 0

Céu 15. Tinh dién tich hinh phédng gidi han bdi cdc dudng y = —x? + 4x — 3, x = 0, x = 3, Ox.

1
§r2—x

8 4 4 8
A. _g. B. _g. C. g. D. g.
Cau 16. Tinh dién tich hinh phdng giéi han béi (%) : y = x* — 2x? + 1 va truc hoanh.
8 15 15 16
A. I B. 16 C. 3 D. IR
Céau 17.
Cho (H) 1a hinh phdng gi¢i han bdi dd thi ctia cdc ham sé y = /X,y =0,y = 2 — x. y
Dién tich cta (H) la
42 —1 8vV2 +3 7 5
A. 5 B. 5 C. 5 D. 5 2
1

Céau 18. Goi V 1a thé tich ctia khbi tron xoay do hinh phé“ing gidi han bdi cadc dudng sau quay quanh truc hoanh: y = sinx,
y=0,x =0, x =127. Ménh d& nao dusi day ding?

127 127t 127t 127
A V=or / (sin x)* dx. B. V= ﬂ/sinr dx. C. V=n’ / (sinx)? du. D. V=n’ /sinxdx.
0 0 0 0
Cau 19.
Cho ham bac hai y = f(x) c6 dd thi nhu hinh bén. Tinh thé tich khéi tron xoay tao y
thanh khi quay hinh phdng gi¢i han béi dd thi ham s6 y = f(x) va Ox quanh Ox.
4ot 127 167 1657 11
A- ?c B. _Fo C. E: Dc ?-

Cau 20. Mbt 6 t6 dang chay véi van téc 54 km/h thi téng téc chuyén dong nhanh dan déu véi gia toc a(t) = 3t — 8 (m/s?)
trong do t 1a khodng thdi gian tinh bang gidy. Quing dudng ma 6 td di duge sau 10 s ké tir lic ting téc la

A. 540 m. B. 150 m. C. 250 m. D. 246 m.
Céau 21. Cho hai s6 phtic z = x —yi va w = 2i + 3x, (x, y € R). Biét z = w. Gid tri ctia x va y 1an lugt 1a
A 2va -3 B. —2val0. C. 0Ova?2. D. 0va -2

Cau 22. Trén mat phéng toa do Oxy, cho hai diém A(4;0), B(0; —3) va diém C thoa man didu kién OC = OA + OB. Khi d6
s6 phitc duge biéu dién bsi diém C la

A z=-3—4i. B. z =4+ 3i. C. z=4-73i D. z = -3+ 4i.
Cau 23. Cho sb phtic z = 6 + 7i. Piém M biéu dién cho sé phitc Z trén mat phdng Oxy la

A M(—6; 7). B. M(6; 7). C. MI6;Ti). D. MI6;7).
Cau 24. Cho x, y 1a cdc sb thyc. S6 phitc z = i (1 + xi + y + 2i) bang 0 khi

A x=-1y=-2 B. x=0y=0. C. x=-2y=-1 D x=2y=1
Céu 25. Cho s6 phtic z théa man |z| = 2 va |z% + 1| = 4 Tinh |z + Z| + |z — Z|.

A 3+ VT B. 3+2V2 C. 7+3 D. 16.
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Cau 26. Cho sb phic z = x + yi (x,y € R) ¢c6 mddun nhd nhdt théa man diéu kién |z — 4 — 2i] = |z — 2|. Tinh
D =x%+3%
A. 10. B. 16. C. 8 D. 32
Cau 27. Tim cdc can bic hai ctia —6.
A —V6i. B. +V6i. C. +6i. D. V6i.
Cau 28. Trong tap sb phtc, phuong trinh z? — 2z + 5 = 0 c6 nghiém la
A z=-142 B. z=2+2i C z=-2+2 D. z=1+2i
Cau 29. Cho mi = (1;0; —1), & = (0;1;1). Két ludn ndo sai?
A. Goéc cta nt va 1t 1a 30°. B. [m, @] =(1;-11).
C m-io=-1. D. m va i khong cing phuong.

Céu 30. Trong khong gian véi hé truc toa do Oxyz, cho ba diém A(0; —2; —1), B(—2; —4;3), C(1;3; —1). Tim diém M € (Oxy)
sao cho 'm + MB + SI\FZ‘ dat gid tri nho nhat.

13 13 34 1 3
r (-130) o (L20) . (340) b (4-20)

Céu 31. Trong khong gian Oxyz, cho mét cau (S): x* + y? + 2z + 6x — 4y + 2z — 2 = 0. Toa d6 tdm I va bén kinh R cla
(S) 1a
A I-%% 1) vaR—4 B I-%%—1)vaR—16. C. I(5-21)vaR =4 D. I(5-921) va R — 16.

Cau 32. M4t phéng (P) tiép xtic v&i mat cdu (S): (x —1)> + (y + 3)? + (z — 2)* = 49 tai diém M(7; —1;5) c6 phuong trinh
la
A, 6x +29+32-55=0. B. 6x+29+3z2+55=0. C. 3x+y+z-22=0. D. 2x+y+z+22=0.

Caéu 33. Trong khong gian Oxyz, cho t dién ABCD cé A(3; —2;1), B(—4;0;3), C(1;4; —3), D(2;3;5). Phudng trinh mét phing
chta AC va song song v&i BD la

A 12x — 10y + 21z — 35 = 0. B. 12x +10y — 21z + 35 = 0.

C. 12x +10y + 21z + 35 = 0. D. 12x — 10y — 21z — 35 = 0.

Céu 34. Trong khong gian Oxyz, cho diém M(1;2;0) va mét phdng (a): x + 2y — 2z + 1 = 0. Khodng cach tit M dén (a)
la

A 1. B. 3. C. 2 D. 4
Cau 35. Trong khong gian Oxyz, phuong trinh mdt cau (S) tiép xtic véi hai mat phdng song song (P): x —2y +2z +6 =0

va (Q): x — 2y + 2z —10 = 0 ¢6 tdm I trén truc Oy 1a
55

A 12+y2+22+2y—§=0. B. x?+y?+22+2% —60=0.
C. x*+y*°+22-29+55=0. D. x2+y2+z2—2y—59—5.

Cau 36. Trong khong gian véi hé toa do Oxyz, cho mat cdu (S): x? + y* + z° + 4x — 2y + 6z — 11 = 0 va mat phdng
(P): x — 29 +2z+1 = 0. Goi (C) 14 dudng tron giao tuyén ctia (P) va (S). Tinh chu vi dudng tron (C).

A. 107 B. 4o C. om. D. 8.
Céu 37. Vj tri tuong ddi ctia hai mét phdng (a): 3x + 2y —z+1=0va (@) :3x+y + 11z -1 =014

A. Vudng gdc véi nhau. B. Triung nhau.

C. Cét nhau nhung khong vudng géc véi nhau. D. Song song vdi nhau.

Cau 38. Trong khong gian Oxyz, cho dudng thing A di qua M(0;2; —3) va c6 vectd chi phuong @ = (4; —3;1). Phudng trinh
tham sd ctia dudng thdng A 1a

x = 4t x =4t x = —4t x =4
A Jy=-2-3t . B. qy=-2-3t . C. qy=24+3t . D. qy=-3+9t
z=3+1 z=-3—1t z=-3—1t z=1-73t
5 . X o . 2 \ i s . Xy z+3 .,
C4u 39. Phuong trinh dudng thang A di qua diem A(3;2;1) va song song vdi dudng thang SR la
x=3-2¢ x =2+ 3t x =2t x =3+2t
A, Jy=2-4t . B. Jy=4+2t . C. qy =4t . D. Jy=2-—4t
z=1-t z=1+1t z=3+1 z=1+1

. . 1 2
Cau 40. Trong khong gian Oxyz, cho mat phang (P): x + 2y + z — 4 = 0 va dudng thang d: % = % -7 ;:

thdng A ndm trong mdt phdng (P) ddng thdi cdt va vudng géc véi dudng thdng d cé phuong trinh la

. Dudng

x=1 y-1 z-1 x=1 y+1 z-1
A A 51— "11~ 31. B. A: 51— ﬁii— 21.
x=1 y+1 z- -t y=1 z-—
C’A’S_—i_—?)' D.A.5 = =

II. PHAN TU LUAN (2.0 diém)
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1
Céu 41. Tinh tich phan / (2x + 1)°dx.

0
Céau 42. Tim phdn thyc, phan 4o, s6 phtc lién hgp va tinh mddun cta s6 phtc

4 —5i

z = (2—-4i)(5+2i) + 5

Cau 43. Trong khong gian Oxyz, cho tam gidc ABC véi A(1; —3;4), B(—2; —5; —17), C(6; —3; —1). Viét phuong trinh dudng
trung tuyén AM cuta tam gidc ABC.
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BO GIAO DUC VA PAO TAO KI THI TOT NGHIEP THPT QUOC GIA NAM 2019
DE THI CHINH THUC Bai thi: TOAN
(Dé cé 05 trang) Thoi gian lam bai: 90 phit, khong ké thoi gian phdt dé

Hovatén thisinh: ... .

Sébdodanh:

Céu 1. Trong khong gian Oxyz, cho mdt phéng (P): 2x — y + 3z + 1 = 0. Vecto nao dudi day 1a mdt vectd phdp tuyén cla
(P)?

A g = (2-1;-3). B. n;, = (2 —1;3). C. n; = (231). D. n; = (2,1;3).

Cau 2. Cho cdp sb cong (u,) véi uy = 2 va uy = 8. Cong sai ctia cdp s6 cong da cho bang
A 4 B. 10. C. —6. D. 6.

Céu 3.

Db thi ctia ham sd nao duéi day cé dang nhu dudng cong trong hinh vé bén? v
A y=x>=3x+1 B. y=x*—-2¢%+1. 5
C.y=-x3+3c+1 D. y = —x*+2x*+ 1.

1
-1 2
P 1 x
5 N . . x—-1 y-3 z+2 e e e .

Céau 4. Trong khodng gian Oxyz, cho dudng thang d: 5~ 5w Vectd nao dudi ddy la mot vects chi phuong

clia d?

A w = (2 -53) B. u = (2573 C. w=1,3-2. D. w = (1,32).

Cau 5. Thé tich ctia khéi nén cd chidu cao h va ban kinh ddy r 1a

4 1
A gm'gh. B. ar’h. C. 37rr2h. D. 2mr’h.
Cau 6. V6i a 1a s thuc dudng tly §, logsa® bing
1 1
A. 3logsa. B. 3 + logs a. C. 3+ logsa. D. 3 logs a.
Cau 7. Cho ham s6 f(x) c6 bdng bién thién nhu sau:
x —00 1 3 +00
f'(x) - 0 + 0 -
+00
2
-2
—00

Ham sb da cho dat cyc dai tai
A x=1. B. xr=3 C. x=2 D. x=-2.

Cau 8. S6 phic lién hop clia s6 phic 5 — 3i la
A. -5+ 3i B. 5+ 3i. C. -3 +5i. D. -5-3i.

Cau 9. Ho tat cd cdc nguyén ham ctia ham sb f(x) = 2x + 6 1a
A 2x® +6x + C. B. x?+6x + C. C. 2?+C. D. x>+ C.

1 . 1
Cau 10. Biét /f(x)dr =3va /g(r)dr = —4, khi do6 / [f(x) + g(x)| dx bang
0 0 0
A T B. T C. —1. D. 1.

Céu 11. Nghiém ctia phuong trinh 3%+t = 27 1a
A x=1. B. x=5 C. x==4 D. xr=2

Cau 12. Trong khong gian Oxyz, hinh chiéu vudng géc cta diém M(3; —1;1) trén truc Oz c6 toa do la
A. (30;0). B. (3;-1,0). C. (0;-1,0). D. (0;0;1).

Cau 13. S8 cach chon 2 hoc sinh ti 5 hoc sinh 1a
A Ci B. 5% C. AZ D. 20

Céu 14. Thé tich ctia khéi ldng tru ¢ dién tich ddy B va chiéu cao h la
A. 3Bh. B. %Bh. C. %Bh. D. Bh.

Cau 15. Cho ham s f (x) ¢6 bang bién thién sau:
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x —00 -2 0 2 +00
f'(x) - 0 + 0 - 0 +

flx) \1/3\1/

Ham sb da cho ddng bién trén khodng nao dudi day?
A. (0 +00). B. (0;2). C. (—o0; —2). D. (—2;0).

Céu 16.

Cho ham s f (x) lién tuc trén R. Goi S la dién tich hinh phdng gi6i han béi cac

dudng y = f (x),y =0, x = —1 va x = 5 (nhu hinh vé bén). Ménh d& nao dudi

dday la dung?

1 5 1 5
A S=— | flx)de — | f(x)dx. B. S= | flx)dx — [ f(x)dx.
Jreee- ] Jreoee- ]
1 5

C. S= /f(x)dx+ /]‘(x)dx. D. §= ~jf(x)dr+/5f(x)dr.
~1

-1 1 1

Céau 17. Cho ham sb f (x) c6 bdng bién thién nhu sau:

x —00 -9 0 92 +00
]U(I) - 0 + 0 — 0 +

flx) \1/2\1/

S6 nghiém thyc cta phuong trinh 3f (x) =5 =0 1a

A 4 B. 2. C. 0. D. 3
Cau 18. Trong khong gian Oxyz, cho hai diém A (—1;2;0), B(3;0;2). Phuong trinh mét phéng trung tryc cia doan théng
AB la

A x+y+z-3=0. B. 2x—y+2z-2=0. C. 2x+y+z—-4=0. D. 2x —-y+z+2=0.

Cau 19. Mot co s§ sdn xuét c6 hai bé nude hinh tru cé chidu cao bang nhau, ban kinh ddy lan lugt bing 1m va 1, 4m. Chu
¢d s6 du dinh 1am mot bé nude mdi hinh try, c6 cung chiéu cao va cé thé tich bdng téng thé tich ctia hai bé nudc trén. Bén
kinh ddy ctia bé nudc dy dinh lam gan nhét véi két qua nao dudi day?

A. 1,5m. B. 1,7m. C. 2,4m. D. 1,9m.
Céu 20. Trong khong gian Oxyz, cho mét cdu (S) : x* + y® + z> — 2x + 2y — 7 = 0. Bdn kinh ctia m4t cu da cho béng
A V1. B. V15. C. 3 D. 9.
Cau 21. Goi z1, z9 1a hai nghiém phic ciia phudng trinh z? — 6z + 14 = 0. Gid tri cta z% + zg bdng
A. 28 B. 36. C. 8 D. 18.
Céu 22. Cho a va b 1a hai s6 thuc duong thod méan a®b’ = 32. Gid trj ctia 3log, a + 2log, b bing
A 4 B. 32 C. 2 D. 5.
Céau 23.

Cho khbi lang try ding ABC.A'B'C’ ¢6 ddy la tam gidc déu canh bang a va AA" = 2a (minh

hoa nhu hinh vé bén). Thé tich ctia khéi lang tru da cho bang ¢
V3a® V3a® V3a® s
A= B. ——. C. — D. V3d’. 5
2
AL_____| a

Cau 24. Cho hinh chép S.ABC cé SA vudng géc véi mdt phidng (ABC), SA = 2a, tam gidc ABC vudng tai B, AB = a,
BC = a/3. Géc giita dudng thdng SC va mat phdng (ABC) bing
A, 30°. B. 90°. C. 4b°. D. 60°.
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Cau 25. Nghiém clia phuong trinh log, (x + 1) = 1 + log, (x — 1) la

A x=-2 B. x =3 C. x=2 D. x =1
Cau 26. Cho hai s phitc z; = —2 + i va zg = 1 + i. Trén mdt phdng toa do Oxy, diém biéu dién s6 phtc 2z; + zy c6 toa
do la

A (=39 B. (2 -3). C. (=33). D. (5 -3).
Céu 27. Gid tri nhé nhét ctia ham sd f (x) = x% — 3x + 2 trén [—3; 3] bing

A 4 B. 0. C. 20. D. -16.

Cau 28. Cho ham s6 y = f (x) ¢6 bdng bién thién nhu sau:

x —00 0 2 +00
y - - 0 +
9 +00
\ _2
—00

Tong sb tiém can ding va tiém can ngang ctia do thi ham sb da cho la

A 1. B. 3. C. 4 D. 2
Céu 29. Cho ham s6 f(x) c6 dao ham f/(x) = x(x — 2)%, Vx € R. S§ diém cyc tri cia ham sb da cho la
A 0. B. 3. C. 1L D. 2
Cau 30. Him s6 y = 35 04 dao ham la

A (2x—3)-3""%.In3  B. 3% .In3, C. (x*—3x).-37 31 D. (9x —3). 3% 73",
Cau 31. Cho sb phiic z théa man 3(Z — i) — (2 + 3i)z = 7 — 16i. Modun cta s6 phtc z bang

A 5 B. 3. C. V5. D. V3.
Cau 32. Ho tit cd cdc nguyén ham ctia ham sb f (x) = (3I _1)12 trén khodng (1; +o0) 1a

I p—
A 3ln{x —1)+ + C. B. 3In(x —1) + 2 + C.
x T 1 x -1
C. SIn(r—l)—m+C. D. 31n(r—1)—r_1+C.

J
%

Céu 33. Cho ham sb f (x). Biét f (0) = 4 va ' (x) = 2cos’x + 3,Vx € R, khi dé /f (x)dx bang
0

%+ 9 7% + 81 + 2 7%+ 67 + 8 7%+ 81+ 8

. B ————. c. ——. D.

8 8 8 8
Céu 34. Trong khong gian Oxyz, cho céc diém A (1;0;2), B(1;2;1), C(320) va D(1;1;3). Dudng théng di qua A va vudng
géc v8i mit phang (BCD) c6 phuong trinh la

A

xr=1-t x=1-t x=1+t x =2+t
A Jy=2-4t . B. Jy =4t ) C. Jy=4% . D. qy=4+4t
z=2-2t z=2+2t z=2+2t z=4+2t

Céau 35. Cho ham sb f (x), bdng xét ddu f’ (x) nhu sau:

x ‘ —00 -3 -1 1 +00
fo - 0 o+ 0 - 0 o+

Ham sb y = f (5 — 2x) nghich bién trén khodng nao dudi day?

A (5 +00). B. (2;3). C. (0;2). D. (%5).
Céu 36. Cho phuong trinh logg x* — logs (6x — 1) = —logs m (m 1a tham s6 thyc). C6 tét cd bao nhiéu gia tri nguyén cta
m dé phuong trinh da cho c6 nghiém?

A. Vo sb. B. 5. C. T D. 6.
Céau 37.
Cho ham s6 f (x), ham s6 y = f'(x) lién tuc trén R va c¢6 dd thi nhu hinh vé bén. Bét v

phuong trinh f (x) > x + m (m la tham sb thuc) nghiém ding véi moi x € (0;2) khi va

chi khi 1
A m<f0) B.m<f2-2 C m<f() D. m<f(2)-2 /\\

AR
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Cau 38. Chon ngau nhién hai s6 khdc nhau tit 27 s6 nguyén dudng dau tién. Xdc sudt dé chon duge hai s6 cé tong 1a mot
56 chdn bang

13 365 1 14

A. 57 B. 750" C. X D. 57
Cau 39.
Cho hinh chép S.ABCD cé ddy la hinh vudng canh a, mat bén SAB 1a tam gidc déu va S
ndm trong mét phdng vudng géc véi mét phing ddy (minh hoa nhu hinh vé bén). Khoang '
cach tit C dén mat phing (SBD) bing

a V2o p V2o c Y2 p, Y2a,

7 28 2 14

C
Céu 40. Cho hinh try c6 chiéu cao bing 4v/2. Cét hinh tru da cho bdi mdt phdng song song véi truc va cdch truc mot
khodng bing /2, thiét dién thu duge cé dién tich bang 16. Dién tich xung quanh ctia hinh tru da cho béng

A 82 B. 242 C. 16V2r. D. 122
Cau 41. 5 .
Cho dudng thing y = e va parabol y = §x2 + a (a 1a tham sb thuc duong). Goi 1
3 y — Zy2
S va Sy 1an luot 1a dién tich ctia hai hinh phdng duge gach chéo trong hinh bén. y QI +ta 5
Khi S§; = S thi a thudc khodng nao dudi day? y = T T
3 7 71 19 3
V(LD e (LY e (32 v (6l
Sy
\
51 —>
0 x
. . . . N . 341
Cau 42. Xét sd phic z théa man |z| = V9. Trén mit phang toa do Oxy, tdp hgp diém biéu dién cdc sO phic w = 1 +lZZ la

mot dudng tron c6 bdn kinh bang
A 12 B. 2V53. C. 2V5. D. 20.
Cau 43. Trong khong gian Oxyz, cho diém A(0;4; —3). Xét dudng thdng d thay ddi, song song véi truc Oz va cach truc Oz
mot khodng bing 3. Khi khodng cach tit A dén d 16n nhét, d di qua diém nao dudi day?
A. P(-3;0; -3). B. M(0; -3; -5). C. 0Q(0;11; -3). D. N(0;3; -b).
1

Céau 44. Cho ham sb f(x) c6 dao ham lién tuc trén R. Biét f(5) = 1 va /xf(5r)dx =1, khi d6 | x?f'(x)dx béng

< \
o

123

A. =925 B. 15. C. 5 D. 23
Céau 45.
Cho ham s6 bac ba y = f(x) c6 dd thi nhu hinh vé bén. S6 nghiém thyc ctia phuong
1
trinh [f(x® - 5x]| = - 1a
A 3 B. 12. C. 6. D. 10.

T

I X

I
e

vay = |r+1] —x + m (m la tham s6 thuc) c6 dd thi lan

) 1 9 3
Cau 46. Cho hai him sby — —— 4 2 +- ,XF2 I+
x+1 x+2 x+3 x+4

lugt 1a (Cy) va (Cy). Tap hop cdc gid tri ciia m dé (Cy) va (Cy) cdt nhau tai ding bén diém phan biét 1a
A [ +00). B. (—o0; 3] C. (—003). D. (3;+00).

Céau 47. Cho phuong trinh <2 loggx —3logyx — 2) V3* —m = 0 (m la tham sb thuc) cé tat cd bao nhiéu gid tri nguyén

duong ctia m dé phuong trinh da cho c6 hai nghiém phan biét?
A. 80. B. 81 C. 79. D. V6 sbd.

Céu 48. Trong khong gian Oxyz, cho mdt cau (S): x? + y? + (z — V2)? = 3. C6 tat cd bao nhiéu diém A(a; b;c) (a, b, ¢ 1a
cdc sd nguyén) thude mat phang (Oxy) sao cho cé it nhat hai tiép tuyén cta (S) di qua A va hai tiép tuyén dé vudng goc véi
nhau?

A 12 B. 4. C. 16. D. 8.
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Cau 49. Cho ham sb f(x), bang bién thién ctia ham s6 f(x) nhu sau:

x ‘ —00 -1 0 1 +00

+00 +00
/ 2
f'(x) \_3/ \_1/

S6 diém cyc trj ctia ham s6 y = f (x? + 2x) 1a
AT B. 5. C. 3. D. 9.

Céau 50. Cho ldng tru ABC.A’B'C’ ¢6 chidu cao bang 8 va ddy 1a tam gidc déu canh bing 4. Goi M, N va P lan lugt 1a tAm
cdc mét bén ABB'A’, ACC'A’ va BCC'B'. Thé tich ctia khéi da dién 18i ¢é cdc dinh 1a cée diém A, B, C, M, N, P bing

A % B. % C. 16V3. D. 12\/3.
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