Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Vo lam bi tich Oxy Ctru am chan kinh
Version 1.0
I, Gioi thleu

Pa s6 cac em déu gdp tro ngai khi cay hinh Oxy, khi cac em xem bai giang, nghe thdy co giang thi hiéu nhung
khi bat tay vao lam thi lai khong lam duoc, 1 phan la do cac em chua nim ving cac kién thirc can ban, 1 phan la do
chwra biét cach tu duy. C6 nhiéu em thi lai néi voi anh rang luc 1am bai thi d& ma di thi sao lai kho lai phai ké v& thém
duong phu, 1y do la 6 dau ?

Nhiéu em ciing lam t6t Oxy nhung sau khi doc xong chuyén dé hé phuong trinh ver 2.1 cua anh thi lai cho
rang Oxy con kho hon ca hé, va mu6n anh chia sé nhirng kinh nghiém lam toan cua minh.

O bi kip ndy, anh sé tap chung déy cac em tu duy Oxy d6 moi la mau chdt cua bai toan, con thi giai chi tiét
cho em 100 bai khong bang dinh hudng dé em ty 1am duoc 1 bai, trén mang tai li€u giai chi tiét rat nhiéu, sach cling
c6 rat nhidu cac quyén vai trim trang. .. nhung thir hoi khi doc xong em linh hoi dugc bao nhiéu ?

O bi kip ndy anh mudn chia sé 1 cach lam bai Oxy c6 thé 1a khéng méi nhung ciing khong qua gay kho cho
cac em.

Anh ciing d3 di lang thang trén nhiéu dién dan rdi xem cac bai cta cac thy ndi tiéng, nhung anh thdy day sé& la
tai liéu tong hop nhitng phuong 4n hay nhét va 1a duy nhét trén mang, chua ting c6 ai viét vé nd. Anh khong n6 dau
nhé, khong lai ddi tén anh thanh BLyuc ( Boom Luyc thi td1 anh, keke cur goi anh 1a Thé Luc BK tuc 13 anh Luc chuyén
viét Bi Kip hay anh Luc hoc & Bach Khoa ciing duoc, hehe )
I, it van dé

Trudc khi néi vé ndi dung anh sé trinh bay thi anh xin dugc nhic lai mot s6 kién thirc co ban:
Hinh Oxy ctia ta ¢6 3 ddi tugng quan trong 1a : Diém; duong thang; duong tron, elip. ..
Céc dbi twong trén s& hoan toan xac dinh khi ta biét 2 diéu kién cta né, thuong thi bai toan sé& cho ta sin 1 dir kién, ta
phai ty tim dir kién con lai thong qua céc dir kién con lai hodc phdi thong qua céc bd dé vé vuong goc, béng nhau,
song song

Yéu cau cua bai toan
Tim diém, duong thang, duong tron, elip.....
A

A 4

Sau khi ¢6 2 dir kién thi viéc con lai chi
la giai phuong trinh
A A

+Néu 1a tim diém thi tic gia
cho sin thudc duong thiang
hay duong tron nao hoac
quan hé vé d6 dai

+Néu tim duong thang thi
c6 thé cho vtep hodc vipt
hodc toa d6 1 diém nao dé

B6 dé vudng goc, song song, bang nhau

A A

+Neéu tim dudng tron thi da Céc em s& tién hanh xir 1y, st dung céc cong thirc
phan s& co 1 biéu thirc vé gdc, khoang cach, tham s héa toa do diém nao d6
quan h¢ d6 dai hay khoang khi d& cho duong thing di qua diém do.... Moi thir
liéCE dé cac em tinh ban trén chi dé tim thém 1 méi lién hé

in

A

D1 kién bai toan
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Do la tu duy dé giai mot bai Oxy, nhung néu di tir dir kién di 1én thi anh ndi thang 1 ¢6 v6 van con dudng cho em di
va da phan 1a cac em s& lac 16i.

Gidng nhu sau:

Cung muyc tiéu la dd dai hoc ¢6 2 con duong

+ Cham hoc = hoc va lam bai cham chi > DJ Pai Hoc

+ Db Pai Hoc = thi dugc 24-27 diém = mdi mén 8-9 diém > tip chung cay 1 diém con lai hodc phai co budc
dot phé ( bi kip hé chang han > )©7 diém dau thi d& rdi cham la duge = Cham hoc

Cac em théy chua, cung la 1 muc tiéu, 1 dit kién, nhung néu xéac dinh di tir cai ta c6 dén cai ta tim kiém thi s& mong
lung hon nhiéu 14 ta 1én hé théng mudn cé két qua nhu vay thi ta phai lam nhiing céi gi va nghiém nhién khi ta thuc
hién dung trinh tu do, ta s€ duoc két qua.
Anh goi cai nay 13 tu duy nguoc, con trong qua trinh hoc phai c6 budc dot pha d6 chinh 1a bd dé phu trong bai toan
Oxy.
e Yéucau chung:
1. C6 Tinh than db Pai Hoc va y thirc hoc tap, thang cubi roi d6 cac em a
2. Nam dugc céc kién thic co ban trong mit phang Oxy
111, Noi Dung
*NOi dung chinh :
1. Hé thdng kién thirc co ban SGK
2. Tu duy nguoc dé giai toan Oxy
3. Cac B6 Dé hinh hoc hay dung trong mit phang Oxy va cach chirng minh ( mot s6 bd dé quan trong, mot sb chi co
tinh chat tham khao)
Vé bd cuc cia tai liéu gdm co:
A- H¢ thong kién thirc co' ban SGK
B-Tw duy nguge
GoOm 5 vi du phan tich chi tiét
Céc bai ty luyén 1a bai Oxy thi PH c6 dép s6
C — Bo @@ hinh hgc: Tam gic, hinh vudéng, hinh chir nhat
B6 dé trong tam giac
B6 dé trong hinh vudng, hinh chir nhat....
Mot sb vi du minh hoa

O tai liéu anh nay, phan 16n 13 anh chia sé nhitng kinh nghiém va tu duy 1am bai, cling nhu mot s bd dé co ban ma
phu trach chinh phan nay 1 ban ciia anh 1a anh Nguyén Van Nam — chuyén Toan Vinh Phuc, phan b6 dé chu yéu giai
quyét cac bai kho va c6 cac dir kién dac biét. ...

Hi vong tai liéu nay s& khong lam cac em that vong, Cam on cic em da dai c6 hong anh sudt thoi gian qua ©

Thoi gian qua anh rét 1 vui khi nhan dugc sy dén nhan néng nhiét tir cdc em tir chuyén dé hé, d6 1a niém tu hao cling
nhu ap Iyc cho anh dé c¢b ging cho nhiing tai lidu sau, anh d4 c6 ging truyén dat nhimng diéu dé hiéu nhat téi cac em,
nhung c6 hay hay khong lai lai vAn d& khac, anh chi hi vong 13 n6 s& c6 ich that nhiéu cho cac em khi ha guc thing
Oxy, khong con cam thay lo s n6 nira

Luc dau anh ciing dinh trinh bay kién thirc vé hinh vudng co sé nhung thuc sy thdy né ciing khong tmg dung dugc
nhiéu nén anh da bo qua phan nay ma chi tap trung vao 3 phan chinh 1a kién thirc co ban, tu duy nugc, va bd dé phuy.

Tai liéu version 1.0 nén con c6 nhiéu sai sot anh rat hi vong sy gop ¥ cua cac em © ( dac biét 1a sai chinh ta )
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

A- Hé thong kién thirc co ban

Truc tam: Giao 3 duodng cao

Pidm T{Qng t%m: Gi‘ao 3 du@mg trung tuyén ‘
Tam duong tron ngoai ti€p: Giao 3 dudng trung truc
Tam dudng tron noi tiép: Giao 3 dudng phan giac

, bi qua
buong thang M. (X, V) Hsgock: y=k(x—x,)+Y,
Oxy Vaco Vipt n=(a;b):a(x—x,)+b(y—y,)=0
Viep u = (a;b)
Di qua /\

{A(a; 0) € Ox X _1ab=0 Chinh tic Tham s :

= pt:—+
B(0;b) € Oy P a X=X _ Y=Y X=X, +at
a b y =y, +bt

o<

Puong tron +Tam 1(x,,Y,)

—_—) _ 2 B 2: )
+Ban kinh R (x=%)*+(y-v,)’ =R

a -b

2 2 a?+b?>4c? A —-a, N a2+b2
X° +y +ax+by+c=0———"— Tam | TREY vaR =

—C

Truc l6n: AA, =2a ,nho BB, =2b

bo dai > titucy FF, =2c voi a’=b*+c?,a,b,c>0

/' e=A<l

, Tam sai
XLy
. 2 b2 z
Elip—= > Co ) X=za S =4ab
HCN co s¢ H gidi han —
y=4b C=4(a+b)

Ve y2 MF1=a+Ex0=a+ex0

M(x_,y )e(E)»>—2+-9% =1 MF, + MF, =2a— a

0'’0 2 2 1 2 c
a MF,=a—-—X_ =a-ex

2 a o 0
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

A(Xllyl) D 2 2
—> AB=(X—X;Y,—Y,) > AB=4/(X,— %) +(Y,—V
Khoang cach {B(Xz;)’2) i © \/( )0
M(Xo;yo) —)d _|aX0+byO+C|
Aiax+by+c=0 ~ MM Ja? +b?
ATIAM €A > d .y =y s
5 A a, x+by+c =0 - — 3, +bb TN
Gac { PN — cos¢ = cos(n;,n,) |= 2.2, +bb) =cos(u;, U,)
o 4,8, x+b,y+c,=0 Ja2 +b? \faZ +b?

nl.n2=51.f2=0
A LA A y=k x+d
1 2 kl-kzz_]-(_){Al.y_kl 1
2 Y= 2X+d2

Dién tich tam giac: S =%a.ha =%bcsin %\=i—l§= pr =Jp(p—a)(p—b)(p—c)

R.r 1an luot 1a ban kinh dudng tron ngoai tiép, ndi tiép
p la ntra chu vi

B-Tw duy ngugc
Anh néu ra pp nay dé gitup hinh thanh tu duy cho cic em & bai toan Oxy, dé dinh huéng ring, mudn c6 KQ nay thi ta
can tim nhitng gi, tir d6 ta ghép ndi v4i dir kién bai toan cho phu hop
Khéi dong ta sé chién ludn bai A — 2014:

Vi du 1(PH-A-2014): Trong mat phéng v6i hé toa dd Oxy, cho hinh vuéng ABCD c6 diém M la trung diém cta doan
AB va N la diém thudc doan AC sao cho AN = 3NC. Viét phuong trinh duong thang CD biét rang M(1;2) va N(2;-1).
Huéng dian

+ Buwdc 1 : Ta cin vé hinh that chuin

A M(1;2) B

N(2;-1)

D C

+ Buwdc 2: Xac dinh muc tiéu va phwong huéng : bé khéa, tim diém méiu chot
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
“Muc tiéu: Viét phuong trinh CD, trong khi tay trang, vi khéong c6 dir kién gi true tiép ca
C6 2 hwéng chinh dé cac em viét pt caa 1 duwong thing
1. Latim 2 diém thudc duong thang, ta dac bi¢t quan tam téi 2 dau mat va trung diém cua doan CD, vi n6 1a cac
diém dac biet
2. Tatim 1 diém va 1 vecto chi phwong hodc phap tuyén.
Mot didu dic biét quan trong khién chung ta phai quan tim 13 ¢ hinh vudng hay hinh chir nhat, hinh thoi, hinh binh
hanh thi cai toa do tam cuc ki quan trong, n6 giup ta rat nhiéu trong viéc biét toa dd 1 dinh tim toa d6 dinh dbi dién va
c6 kha nang dé dang tim duoc nho 2 dinh con lai.
O day tam hinh vuéng ABCD 14 I, néu ta tim dugc I thi :
+D@ dang xéc dinh dugc C, vi N 1a trung diém IC
+ D& dang x4c dinh duogc trung diém ctia CD vi I 13 trung diém ctia MP, vé6i P 13 trung diém CD
+ Ta ciing dé dang xac dinh duoc IM 1a vecto phap tuyén ciia CD
Vay néu c6 toa do cua L, ta s& giai quyét dugc van dé bai toan.
Viéy cau hoi bay gio la lam thé nao dé tim I ?
Ta nhan thay ngay mbi lién hé giita IM va IN nhu sau:

-4
AIZ = IM =+/2IN | vay ta da c6 1 phuong trinh, ta phai tim dugc 1 phuong trinh nita
IN=—

2

Dén ddy méi vui né : ¢6 nhiéu em hoi anh 14?7 Anh oi sao em bién doi 1 hoi thi lai ta 0x =0 , keke
boé 1a do céc em da dung 1 dir kién 2 lﬁr}, vay lam sao dé tranh diéu do ?
Ta phai biét nhitng du kién gi ta dung 101, nhitng dit kién gi ta chua dung thi méi dugc:

hcn, AC L BD
A=B=€=90,AB=BC=CD=DA
AM =Ml AB =BC

=
AM 1L MI AB L BC

Tur dit kién 1a hinh vuong: {

Khi tadung IM = Al tuc 1a ta da dung { véy diéu kién hinh vudng coi nhu di dung roi

2
Al ~ \
IN = > tirc 1a AN = 3 NC da duoc dung

Toa do M, N thi phuc vu phuong trinh IM = \/EIN = \/EX, x>0 rdi, vay mudn tim 1 pt nita & dau ?
Ta dé ¥ 12 d9 dai MN =10 ta chua c6 dung, vy phdi bam vao né
Céc em n6i M véi N, thiy tam giac IMN c6 goc NIM =135°

A M(1;2) B

N(2;-1)

D C

Cac em ap dung dinh 1y cosin : MN? = IM?+IN? = 2IM.IN.CosNIM ’
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
©10=2x +x ~ 2/2X2. %

J2
<10=5x> < x=+2
Téi day thitaco :
IM =2 (x-D*+(y-2%=4 [(x=-1)*+(y-2)?*=4
{lN:JE@{(x—Z)%(yH)Z:z@{ 2X-3-6y+3=2

~1,y=0 t61 day thi xong rdi
—1)? ~-2)%*=4 10y* -4y =0 X=5
{(X ) +(y-2) Oy y

11 2
y y 5 y 5
e V&i I(L0)
C(3:2) va IM =(2;0) la vecto phap tuyén cia CD nén: CD:y—2=0
11 2
e Viil(=:;=
(5 5)
9 -12, . — 6.8 . 6 9, 8 12
C(=;—) va IM =(-—;-) la vecto phap tuyén: ——(Xx—=)+—-(y+—)=0<CD:3x-4y-15=0
(55) (55)V phép tuy 5( 5)5(3/ 5) y

Vay ¢6 2 phuong trinh CD 1a: CD:y—-2=0 hodc CD:3x—-4y—-15=0

Vidu 2: (PH - B —2014): Trong mit phiang véi hé toa d6 Oxy, cho hinh binh hanh ABCD.
Piém M(-3;0) 1a trung diém cta canh AB, diém H(0;-1) 12 hinh chiéu vudng goc cta B trén AD va diém G(% ;3) la

trong tdm cda tam giac BCD. Tim toa d¢ céac diém B vaD.
Hudng dan:
+ Budc 1: V@ can thén cdi hinh, 1a b mat ctia bai toan:

H(0;-1)

D N C

+ Buéc 2: Xac dinh muc tiéu = Phwong hwéng : Tim diém mau chét, ha guc bai toin

Muc ti€u cua ta la tim toa d§ B va D, ta d¢ y rang 2 di€ém nay doi xtrng véi tam [ 1a qua tim cua hinh binh hanh, ta
can bam vao n6 kha nhi€u, nén chi can tim dwoc B va I 1a tim duoc D
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Bi kip Oxy ctru am chén kinh ‘ Chuyén d¢ dic biét

Cac em goi N Ia trung diém cua DC vi dang nao luc v€ minh cling phai xac dinh mai ve€ trong tdm duoc voi lai tir

B+C+D
3

BG:EBN
3

G=

dir kién trong tdm G c6 2 kha nang la anh viét thé cac em tu hiéu nhé, nd hoan toan tu nhién chu

anh khong hé sip dat gi ¢ day ca. V& hinh Ve chi cé}n vay thoi. N

Muc ti€u bay gio 1a tim I va B, cac em thay rang néu co toa do I thi dé ang suy ra B nho con duong I > N do | la
trung diém MN = B do @ =—2GN vay thuc chét t& day ta chi can tim 1 diém 1a T'hoac B la xong, néu tim B thi
quy trinh nguoc lai va cudi cung anh da chon tim B vi thay dugc ngay 1 dir kién dé bai cho la vudng goc lién quan

tryc tiép t6i diém B 1a HB L AH thyc ra thi tim diém nao cling vay thoi, nhung cac em thay céi nao dé thi lam
trudec.

Ta gia st B(X,,Y,) thi do M la trung diém AB nén : A(~6—x,,~Y,) suy ra AH =(x,+6,y, —1)

Tacé: HB=(x,,y, +1)

Theo gia thiét: AH.HB =0 <> x, (X, +6)+(y, +1)(y, —1) =0 (1)

Vay ta da co6 1 phuong trinh, ta can tim 1 phuong trinh nita, & day ta da sir dung 3 dir kién cta dé bai la vudng goc

va toan do ctia H, M va M 1a trung diém AB véy ching ta chi con 2 dit kién nira 1a ABCD 1 hinh binh hanh va G
la trong tam BCD, ta s€ tap trung khai thac ching

X —ﬂ——Z(x —ﬂ) WS 4-x. 9
Vi G 1a trong tam BCD nén : GB=-2GN <<{™ 3 A MPEN 9 2 @N( _ 0__y0j
Vo=3=-2(yy-3) |y, =2

AD=BC
AD//BC
Ttc 1a MN//AD ta sir dung 1 diéu kién nay da:

W:(lo—x0 ’9—y0]

ROi con dit kién ABCD 14 hinh binh hanh < {

2 2
10-x,

- = k(x, +6)(a)
MN //AD — MN //AH — MN =kAH < k0

9-vy, B
T—k(yo 1)(b)

D@ thdy y, =1 khong thoa min (b) nén ta hoan toan yén tam vé sy khac 0 ctia 2 vé phuong trinh (b)

Ta nhén chéo (b) vdi (a) ta duge : (L0—X,)(y, -1 =(x, +6)(9-Y,) = X, =2y, -8 (2)

Céc em lay (2) thay vao (1) dugc : (yO —1)(5y0 —15) =0y, =3=x,=—2—>B(-223)

¢ day y, =1 bi loai rdi cac em nhé, nd khong thoa man (b)

Néu cac em mudn yén tam thi lam nhu nay, dwa va vudng goc cho né thanh phép nhan d& nguy hiém hon
MN //AD —> MN //AH — MN L HB — MN.HB

10—x 9-vy
e IX o 1)=0
R o

< X2 +y2 —10x, -8y, —9=0(3)
To(l)va(3)suyra:
Chuc cac em cay tot! Produce by Nguyén Thé Luc 7




Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
X2 +yZ+6x,-1=0 X +y2i+6x,-1=0 X +y>+6x,—-1=0 [X =-2,¥,=3 [B(-23)
2 2 = = = = .
XS +Yy, —10x, -8y, -9=0 16x,+8y,+8=0 Yy, =—(2x, +1) X, =0,y,=— B(0;-1)
Nl}iéu em sé& diéu dung chd nay day, ban than anh ciing da diéu ding 1 ‘lén do tim ra 2 diém va khong biét loai
di€ém con lai, do, cai gi no cling ¢6 2 mat, tranh vo dua thi gép vé dura roi :D

Hay nh6 lai rang con 1 diéu kién = nhau cta hinh binh hanh ma ta chua hé dung.
e Vi B(0;-1) taco
Ta dung diéu kién nay : AD=MN =BC

MN =(5;5) va N(2;5), |(%,g) suy ra D(L;6) ; C(3;4) nén BC =(3;5)

D& thdy MN = BC nén loai B(0;-1)
e V6i B(-2;3) taco
Ta lam y chang nhu vay :D

MN =(6;3) va N(3;3), I(O,g) suy ra D(2;0) ; C(4:6) nén BC = (6;3)

D6 thady ngay MN = BC vay la B(-2;3) thoa man.
Vay B(-2;3) va D(2;0)

bay chinh phuong phap tu duy ngugc, xtr Iy diéu kién ma anh muén trinh bay, anh di choang khi lam xong mo
giai ra xem cua BGD, sao ma nguoi ta co thé ké v& dugce nhu vay ? trong khi minh khong phai ké thém duong gi,
hoan toan ty nhién va khong guong ép.

Vi du 3: PH — D — 2014 : Trong mit phang véi hé toa do Oxy cho tam giac ABC c6 chan duong phén giac trong cia
goc A 1a diém D (1; -1). Puong thang AB c6 phuong trinh 3x +2y -9 =0, tiép tuyén tai A cua duong tron ngoai tiép
tam gidc ABC c¢6 phuong trinh x + 2y — 7 = 0. Viét phuong trinh duong thang BC.

Huéng dian

Cic em thao khio bai cudi cing, phin bai tip ap dung bo dé ¢ trang gin cudi nhé

Vidu4: PH-A-2013:
Trong mit phang v6i hé toa dd Oxy, cho hinh chir nhat ABCD c6 diém C thudc dudng thiang
d:2x+y+5=0 va A(—4;8). Goi M la diém ddi xtmg ctua B qua C, N 1 hinh chiéu vudng goc cua B
trén dudong thfmg MD. Tim toa do cac diém B va C, biét réng N (5;-4).
bS : B(—4;-7);C(L-7)

Huéng dan

Buwéce 1: VE hinh : Hinh khi méi vé thi chi don gian nhu vay thoi
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

A(-4:8) B

D C
N(5;-

M

Buére 2: Xac dinh muc tiéu, phwong hwéng : tim diém méu chét

O day ta can tim B va C, ta biét trudc 1 dir kién ctia C roi nén chi can biét 1 dir kién nira 1a xong. Thyc su thi
ngoai diéu kién C thudc 2X+y+5=0 thi khong co diéu kién gi lién quan téi C ca, khi cac em thiy diéu nay co
nghia 14 cac em phai ty di tim 1 diéu gi d6 dic biét lién quan t6i C va cac diém co toa d6 con lai , & day ta ndi A
v6i N vi do dai AN c6 thé c6 ich cho ta, ndi C v6i N, C véi A, bao gid nhiing diém c6 toa do san roi ta cling sé
lién hé véi diém can tim xem c6 gi dic biét khong, nhu bai kA-2014 d6 ta ciing ndi nhu vay thi thay duoc goc
135 d9, con ¢ bai nay thi sao ?

A(-4;8) B

D C
N(5;-

'M

Luc nay tac dung ctia viée v& chudn hinh bat dau c6 tac dung, ta thiy AN c6 thé vudng véi CN, néu vudng thi qua
tdt, ta s& tim duogc ngay toa do C.

Pay 1a 1i do tai phai di phan tich diém nao can tim trudc, diém nao can tim sau dé di tim cac méi lién hé cho phu
hop, néu khong viing vang tu tudng nay thi trong phong thi s& rat rdi va cam thiy ngdt thé vi nghi mai khong ra
*Bay gio ta s€ di chirng minh AN vuong goc voi NC :

& day anh sir dung cong gboc, em nao dung tir gidc ndi tiép ciing duoc

Ta dé phai bam chéc vao dir kién dé bai cho am ta chua dung 1a : BN L DM, BC =CM

Trong tam giac vudng NBC thiy ngay NC 1a trung tuyén ctia tam giac nén NC =BC =CM

Chuc cac em cay tot! Produce by Nguyén Thé Luc 9
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

Nén BCN 1a tam gidc can tai C suy ra : HNC =HBC 1)
D¢ y chut nita: Anh goi thém diém H

A(-4;8) B
o 4
D C
N(5;-
M

Thi ACMD la hinh binh hanh, nén AC//DM — AC 1 DM ) q

Tam giac BCN can lai c6 CH la duong cao nén n6 l1a duong trung tuyén luon hay H 1a trung diém cua BN
Vay tam giac ABN ciing can thi AH vira 1a dudng cao, vira 13 trung tuyén nén /ANH = ABH (2

Tu (1) va (2) suy ra:

ANC ='ANH + HNC = ABH + HBC = 'ABC =90 vay AN L NC tac6:

Vi C thugc 2x+y+5=0 suyra: C(c,—2c—5)
AN = (9;-12);NC = (c—5,-2c 1)

AN L NC < AN.NC =0« 9(c—5)-12(-2c-1) =0 <= c =1—> C(L;-7)

Mubn tinh toa do B & day thi ta tinh thong qua H vi N ta biét roi, H lai 1a trung diém BN do d6 ta can viét phuong
trinh AC va NB
Phuong trinh AC: XLA':)/—_EB(:)?>X+ y+4=0
1+4 -7-8
Phuong trinh NB qua N va vuéng AC : (Xx—5)-3(y+4)=0<x-3y-17=0
!
3X+y=-4 ) -
x—3y =17 -11 2 2
a

Toa d H 1a nghiém cua hé :

Do H 1 trung diém BN nén toa d6 H 1a B(—4;7)

Pay 1a cach anh 1am trong bai thi nam 2013 cua anh, c6 thé cac em doc s& thdy kho, nhung luc trong phong thi
anh chi nghi dugc ra cach nay thoi, con 1 cach nira anh tham khao thém ctia BGD thi nhu sau:

Nhu anh da néi 2 bai trude, qua tim cua hinh vudng, hinh binh hanh, hinh chir nhat luén 1a tam I cua nd, ta chi
can bam vao cai tim nay 1a dugc.
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

A(-4:8) B
|
D C
N(5;-
M

Trude hét ta tham sb toa d6 C(c,—2¢—5)
Bai toan cho ta nhirng dir kién sau :
hcn _ ABCD
BC =CM 2 diéu kién cudi ta thdy khong lién hé duoc nhiéu v6i C nén bam vao diéu kién hinh chit nhat xem
BN L DM
Sao.
t—4 -2t+ 3)
1 2 , 2 r
Bay gio ta lai xur 2 diéu kién con lai, Tam giac BND vuéng c6 IN la trung tuyén BD do do IN=IB hay IN=IA
(61 day dir kién hinh chtr nhat coi nhu dung hét ré1 em nhe: 2 dudng chéo bang nhau va cat nhau tai trung diém
moi duong ma, nén khong dugce st dung lai dir kién hinh chit nhat nira)

2 2 2 2
(5—ﬂj +[—4— _2”3) =(—4—ﬂj +(8—_2t+3J ot=1
2 2 2 2

Suy ra C(1;-7)

Bay gio con diéu kién ddi xung nira thoi

Céc em lam tuong ty nhu phan trén, chimg minh B ddi xtmg v6i N qua H r6i lam twong ty, s& ra KQ nhu vay.
Vidu5: PH-A-2013-NC :
Trong mat phang voi hé toa do Oxy, cho dudng thang A:x—y =0. Puong tron (C) ¢6 ban kinh R = J10

cit A tai hai diém A va B sao cho AB = 42 . Tiép tuyén cua (C) tai A va B cat nhau tai mot diém
thudc tia Oy. Viét phuong trinh dudng tron (C).

Huéng dan

Budc 1: Cac em vir vé cin thin cai hinh khong can thém bét gi ca.

Ta bam ludn vao diém I nita, ta c6 I 1a trung diém AC nén : I(
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

B

Budce 2: Xac dinh muc tiéu va tim cach huy diét

Muc tiéu 1a viét duong tron (C ) c6 tam ma ta tam goi 1a I véi ban kinh R = \/ﬁ vay xac dinh tam I nira 1a xong,
vdy ta can 2 diéu kién lién quan téi tam L.

¢ day ho cho d¢ dai AB ttrc 1a ta sé tim 1 mbi quan h¢ lién quan téi do dai véi I va thuong thi dé tim toa do 1 diém
cho dé ta xac dinh dudng thang di qua né.

Bén ning mach bao ta rang ndi I véi H vi nd quen thudc rdi, tam goi giao diém cua AB va IH 1a K

A

Chung ta bét qéu chién nhé
Cac dir kién dé bai cho:
R =410
AB =42
AB:x—-y=0 2 tiép tuyén thi ta suy duoc ra IAH 13 tam giac vuéng vuong,AK 13 duong cao
2 _tiep_tuyen
H e Oy

R =410 2 2
con dit kién V1o = IK =/IA _KA? =10-8 =2 = HK = 2K _(242) =42
AB =42 IK J2

Céc em cu tinh hét tat ca cac canh cling duogc, toi day 1a c6 diém roi ma.
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
AB:x—y=0

ta dé y HK chinh 1a khoang cach tir H t6i AB vay ta ding cong thirc
H €Oy — H(0;h)

Vay con 2 dir kién 1a {

o 0| h=8 . .
khoang cach : d —HK o142 < dén day ta loai dugc h = -8.
(H,AB) 8

J2
D6 em nao biét tai sao ? keke, khéng chi c6 Hoa, Ly cac em can doc ki ma Toan cling vay vi H thudc tia Oy nén
h=0 cac em hoc tir 16p 6 cai nay roi nhé :D , ‘
Day tién anh tudng toi 161 vi hét dicu kién ma loai nhung doc ki lai chut thi thay dugc dicu do.
Vay H(0;8) Ta c6 ngay phuong trinh IH 12 1.(x—0) +1.(y—8) =0 <> x+y—8=0 do IH vuéng AB
Xx—-y=0 | elIK
X+y=8 IH = 21K =242
s ra 2 nghiém nén mét cong loai, cac em han ché 1am nhu thé nay nhé, ta sir dung vecto dé a5 phai loai nghi¢m ,

Do do6 toa do K 1a nghiém cua hé : { S Xx=y=4 luc dau anh dinh gidi h¢ { nhung no

dé yring KH =4KI cai nay tir ty 1& do dai ¢ trén d6 cac em

Vay K(4;4) > 1(3;5) > (C): (x—3)* +(y-5)* =10

Vidu 6: PH-B -2013:

Trong mit phang voi hé toa dd Oxy, cho hinh thang can ABCD c6 hai dudng chéo vudng goc véi nhau
va AD = 3BC . Puong thang BD c¢6 phuong trinh x + 2y — 6 = 0 va tam gidc ABD c6 truc tam 1aH(-3 ; 2). Tim toa do
cac dinh Cva D

Huéng din ) .
Budce 1: Cac em vir vé can than cai hinh khong can thém bét gi ca.
B C
H(-3;2)
A D

Buére 2: Xac dinh muc tiéu, phwong hwéng lam

*Muc tiéu la tim toa do C, D van d& 1a tim diém nao trudc ? Cau tra 1o 1a diém nao trude cling dugc vi né nhu
nhau, thoat nhin thi tuéng D d& hon vi c6 phuong trinh BD rdi, nhung ma dé y ki ti nita thi ta cling tim duoc
phuong trinh AC nén toa ¢ C va D déu tham sb hoa duoc

Téi day 1 cac em lam duoc 0,25 roi, nhicu khi mdi bai Oxy va bai Hé ta chi can sd vao lam tir 0,25-0,5 con dé
hon 1a lay hét ca 1 diém bai do.

Hoi anh thi dé lam dugc 10 thi dn cam but tir dau toi lac cudi diing con ¢6 gan 10 phut nira 1 thu bai, mit bimg
bing vi lo hét gio, nhung rit may tuy voi nhung khong dé xay ra sai sot.

Nén c6 nhiéu em hoi anh nén hoc Oxy hay Hé ? thi ban than anh khuyén hoc ca 2 kiém mdi cai mét ti néu kha
ning minh chi téi mac d6 thoi, con khong 1a cir phai chén hét.

Tiép tuc nhé

& day dé bai cho :

Chuc cac em cay tot! Produce by Nguyén Thé Luc 13
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

hinh _thang _can_ ABCD

AD =3BC

AC L BD

BD:x+2y-6=0
H(-3;2) va la_truc_tam
AC L BD
ta da dung diéu kién { H (=3;2) = AC:2(x+3)-(y-2)=0<=2x-y+8=0
BD:x+2y—-6=0

Béy gio phai xir 1 cac diu kién con lai, dé tim thém 1 diéu kién ctia C hogc D o
cac em lai dé y chut, nhu anh da ndi ¢ cac bai trudce, cac tr giac cua ching ta déu c6 1 diém yeéu la céi tdm, ta clr
X04y vao cai tam la ta s€ lam dugc, tam goi tam 1a [

B C

H(-3;2)

ABCD 1a hinh thang can nén : IB = IC do d6 IBC vudng can, tuong tu vdi tam giac IBH c6 goc

HBH =90° —¥BC = 45° nén IBH ciing vudng can.

Hoac em nao nhin rong hon 1 chut thi HBC la tam giac vudng can do géc BCI =45 d6 ma c6 BI 1a duong cao nén
BI ciing 14 dudng trung tuyén ludn do d6 I 14 trung diém ciia HC

Céac em chu y 1a BH vudng BC tir 1a ¢ ddy ta di dung diéu kién H 1a tryc tdm rdi nén BH vuong AD ma AD // BC
nén moi c¢6 chuyén BH vudng BC nhé! ©

Vay 1a ta vira tim duoc thém 1 mdi quan hé lién quan téi C. ching ta giai phuong trinh tim C thoi.

Do Ce AC:2x—y+8=0—>C(c;2c+8)

113 trung diém HC nén : | (C—j’ o+ 5) thuoc BD nén :

C—;?'+2.(c+5)—6=0<:>c=—1:> C(-1;6)

Bay gio mudn tim B thi ta lai phai tim 1 diéu kién lién quan t6i no, ta dé y rang AD = 3BC ta chua hé dung toi

IB BC 1
MaBC//ADnén: {ID AD 3= ID=3IC vay la em D da x4c dinh rdi, keke
IB=IC

1(=2;4) - IC = (1, 2)
Do DeBD:x+2y-6=0— D(6-2d,d)
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
d=1->D(41)
d=7—->D(-8;7)
khf)ng cé gi ma loai cac em nhé, quan h¢ vé do dai thuong 1 s& cho ta 2 diém, con quan hé vecto sé& chi cho 1

diém duy nhat thoi.
Viy: C(-16); D(41) hodc C(-16);D(-8;7)

ID=3IC < (8-2d)°+(d-4)’=9.5< (d—4)*=9 c{ & dy ta da dung hét diéu kién nén

Anh vira trinh bay cho céc em chi tiét 5 bai thi PH , ¢ day anh chii yéu huwéng din cic em cach tu duy 1a
chinh, thay vi giai cho em tit ci cac bai trong dé PH, cic bai con lai 12 phin viéc clia em ¢6 muén ldy diém
8 hay khong, anh chi c¢6 thé din cac em t6i giira dwong roi dem con bé che thdi con lai 1a ciac em phai tw tim
cho minh dich dén.....

Co ging 1én cac em.

Phia dwdi 12 phéan bai tip tu luyén con qua phian nay la phin bd dé

*Du6i day 1a cac bai tip trong dé thi PH dé cac em tw luyén:

Bai 1. (PH B2013-NC)

Trong mat phfmg v6i he toa d§ Oxy, cho tam gidc ABC c6 chan duong cao ha tr A 1a H (% ; —%) , chan duong phan
giac trong clia goc A 1a D(5 ; 3) va trung diém ctia canh AB 1a M (0 ; 1). Tim toa d6 dinh C .
bS: C(9;11)

Bai 2. (PH D2013—CB)

Trong mit phing véi hé toa d6 Oxy, cho tam giac ABC c6 diém M(—%;g) 1a trung diém cta canh AB , diém

H(-2;4) va diém 1(~11) lan luot 1a chan duong cao ké tir B va tim duong tron ngoai tiép tam gidc ABC . Tim toa
do diém C .
bS: C(4;1);C(-16)

Bai 3. (PH D2013-NC)

Trong mit phang véi hé toa d6 Oxy, cho duong tron (C) : (X —1)? +(y—1)* =4 va duong thang A:y—3=0 . Tam
gidac MNP ¢6 tryc tAm trung v6i tim cua (C) , cac dinh N va P thude A , dinh M va trung diém ctia canh MN thudc
(C). Tim toa d6 diém P .

PS: P(-13);P(3;3)

Bai 4. (PH A2012-CB)

Trong mat phéng v6i hé toa d Oxy, cho hinh vudng ABCD. Goi M la trung diém cua canh BC, N 1a diém trén canh CD
sao cho CN =2ND. Gia st M (1—21 ; %) va duong thang AN c6 phuong trinh 2x — y—3=0.

Tim toa do diém A.
S : A(L-1); A(4;5)
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Bai 5. (PH A2012-NC)

Trong mit phang véi h¢ toa d6 Oxy, cho duong tron (C) : x>+ y? =38. Viét phuong trinh chinh tic elip (E), biét rang
(E) c6 do dai truc 16n bang 8 va (E) cat (C) tai bon di€m tao thanh bon dinh ctia mét hinh vudng.
2 2

LY
])S.16+E 1
3

Bai 6. (PH B2012-CB)

Trong mit phing c6 hé toa dd Oxy, cho cac dudng tron (C1) : x> +y> =4, (Cy): x> +y* —12x+18=0 va duong thing
d: x—y—4=0. Viét phuong trinh dudng tron c6 tdm thudc (C,), tiép xtc véi d va cét (Cy) tai hai diém phan biét A va
B sao cho AB vuong gbc voi d.

PS: (x-3)’+(y-3)" =8

Bai 7. (bH B2012-NC)

Trong mit phing voi hé toa do Oxy, cho hinh thoi ABCD c¢6 AC = 2BD va duong tron tiép xtc voi cac canh cua hinh
thoi c6 phuong trinh x* +y? = 4. Viét phuong trinh chinh tic cua elip (E) di qua cac dinh A, B, C, D cta hinh thoi.
Biét A thudc OX.

2 2
pS: —+ Y =
205

Bai 8. (PH D2012-CB)
Trong mat phéng v6i1 hé toa do Oxy, cho hinh chit nhat ABCD. Céc dudong thfmg AC va AD lan lugt c6 phuong trinh

la x +3y=0vax—y+4=0; duong thang BD di qua diém M (-%; 1). Tim toa d cac dinh cta hinh chit nhat
ABCD.

bS : A(-3;1D;B(1;,-3);C(3;-1); D(-1;3)

Bai 9. (PH D2012-NC)

Trong mat phé}lg vo1 h¢ toa d6 Oxy, cho duong thang d: 2x — y + 3 = 0. Viét phuong trinh dudng tron c6
tam thudc d, cat truc Ox tai A va B, cat truc Oy tai C va D sao cho AB=CD = 2.
PS: (C):(x+1)> +(y—1)> =2;(C):(x+3)* +(y+3)> =10

Bai 10. (bH A2011-CB)
Trong mit phing toa dd Oxy, cho duong thing A: x+ y+ 2= 0 va dudng tron (C) : x2 + y2—4x—2y= 0.Goi I 13 tAm cia
(C),M ladiém thuoc A. QuaM ké céc tiép tuyén MA va MB dén (C) (A va B 1a cac tiép diém). Tim toa d6 diém M, biét tir giac

MAIB c6 dién tich bang 10.
PS : M(2;—4); M (=3;1)
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Bai 11. (PH A2011-NC)

Trong mit phang toa do Oxy, cho elip (E): 4 1 .Tim toa do cac diém A va B thudc (E), c6 hoanh do duong
sao
cho tam giac OAB can tai O va c6 dién tich 16n nhat.

bS: A(ﬁ;g);B(\E;—g) hodc A(«/_;—%);B(«/E;g)
Bai 12. (bH B2011-CB)

Trong mat phang toa do Oxy, cho hai duong tl}éng A:X-y—4=0 vad:2x-y—2=0. Tim toa d§ diém N thugc duong
thang d sao cho duong thang ON cat duong thang A tai diém M thoa man OM.ON= 8.

6 2

PS: N(0;-2);N(=;—=
(0;-2) (5 5)

Bai 13. (PH B2011-NC)

Trong mat phang toa do Oxy, cho tam giac ABC c6 dinh B(E;l) . Puong tron ndi tiep tam giac ABC ti€p xtic vdi cac

canh BC, CA,’ AB tuong ung tai cac diém D, E, F. Cho D(3; 1) va duong thfmg EF c6 phuong trinh y — 3= 0. Tim toa
do dinh A, bict A c6 tung do duong.

bS: A(B;E)
3
Bai 14. (BH D2011-CB)
Trong mit phang toa do Oxy, cho tam gidc ABC c¢6 dinh B(- 4; 1), trong tdm G(1; 1) va dudng thang chira phan giac
trong cua goc A c6 phuong trinh X - y — 1=0. Tim toa d¢ cac dinh A va C.
bS: A(4;3);C(3;-1D
Bai 15. (PH D2011-NC)

Trong mit phing toa d§ Oxy, cho diém A(1; 0) va dudng tron (C): x2+ y2 - 2x + 4y — 5= 0. Viét phuong trinh duong
thang A cat (C) tai hai diém M va N sao cho tam gidc AMN vudng can tai A.

PS: Aty=LA:y=-3

Bai 16. (PH A2010-CB)

Trong mit phang toa do Oxy , cho hai dudng thang d;: Px+ y=0 vady: 3x- y =0. Goi (T) la dudng tron tiép xuc
v6i d tai A, cit d tai hai diém B va C sao cho tam giac ABC vuédng tai B. Viét phuong trinh ctia (T), biét tam giac

ABC co6 dién tich bang g va diém A c6 hoanh d6 duong.
DS (T): (x+ =) +(y+3) =1
RN () 2

Chuc cac em cay tt! Produce by Nguyén Thé Luc 17



Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Bai 17. (PH A2010-NC)

Trong mit phang toa d6 Oxy, cho tam gidc ABC cn tai A c6 dinh A(6; 6), dudng thing di qua trung diém cua cac
canh AB va AC ¢6 phuong trinh X + y —4 = 0. Tim toa d6 cac dinh B va C, biét diém

E(1; —3) ndm trén duong cao di qua dinh C cta tam giac da cho.

DS : B(0;—4);C(—4;0) hoac B(—6;2);(2;-6)

Bai 18. (bH B2010-CB)

Trong mit phang toa d6 Oxy, cho tam gidc ABC vudng tai A, c6 dinh C(-4; 1), phan giac trong goc A c6 phuong
trinh x + y — 5 = 0. Viét phuong trinh duong thing BC, biét dién tich tam giac ABC bang 24 va dinh A c¢6 hoanh do
duong.

PS: BC:3x-4y+16=0

Bai 19. (PH B2010-NC)

2 2

Trong mit phang toa 46 Oxy , cho diém A(2; B ) va elip (E): X— + yj =1. Goi F| va F; 14 céc tiéu diém cua (E) (F,

c¢6 hoanh d6 4m); M 1a giao diém c6 tung d6 dwong cua dudng thang AF; v6i (E); N 1a diém d6i xtmg ctia F, qua M.
Viét phuong trinh duong tron ngoai tiép tam gidc ANF,.

2f _4

DS : (C):(x=1)"+(y~- 3

Bai 20. (bH D2010-CB)

Trong mit phing toa do Oxy, cho tam giac ABC c6 dinh A(3;-7), tryc tdm la H(3;-1), tdm duong tron ngoai tiép 1a I(-
2;0). Xac dinh toa d¢ dinh C, biét C c¢6 hoanh d6 duong.

PS : C(—2++/65:3)
Bai 21. (PH D2010-NC)

Trong mit phang toa d6 Oxy, cho diém A(0;2) va A 1a dudng thing di qua O. Goi H 14 hinh chiéu vudng goc ciia A trén
A. Viét phuong trinh duong thang A, biét khoang cach tir H dén truc hoanh bang AH.

DS : A:(V5-D)x—2J5 -2y =0;A: ({5~ D)x+ 25 -2y =0

Bai 22. (BH A2009—CB)

Trong mat phéng v6i hé toa d§ Oxy, cho hinh chit nhat ABCD c6 diém 1(6; 2) la giao diém cua hai duong chéo AC
va BD. Piém M(1; 5) thuoc dudng thing AB va trung diém E ctia canh CD thudc duong thang A: X+y—5=0. Viét

phuong trinh duong thang AB.
PS: AB:y—-5=0;AB:x—-4y+19=0
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Bai 23. (PH A2009-NC)

Trong mit phang véi hé toa dd Oxy, cho duong tron (C): X ++y? +4X+4y +6 =0 va duong thang A:
X+my—2m+3=0, véi m la tham sb thuc. Goi I 1a tAm cta duong tron (C). Tim m dé A cit (C) tai hai diém phan
biét A va B sao cho dién tich tam giac IAB 16n nhat.

bS: m:O;m:E
15

Bai 24. (PH B2009-CB)

. . 4 . B
Trong mit phiang véi hé toa d6 Oxy, cho dudng tron (C) : (x —2)° +y° = 3 va hai duong thangA; : x-y=0, Ay : x - Ty =

0. X4c dinh toa d6 tam K va tinh ban kinh ctia dudng tron (C,); biét duong tron (C)) tiép xuc véi cac dudng thang A,
A, va tam K thudc duong tron (C)

bS: K(§;i);R =&
55 5

Bai 25. (PH B2009-NC)
Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC can tai A c¢6 dinh A(-1;4) va cac dinh B, C thudc dudng thiang
A:x—y—4=0. Xéc dinh toa dJ cac diém B va C , biét dién tich tam giac ABC b::ing 18.

113 3.5 3 5,113
bS : B(—;=);C(=;—=) hodac B(=;—=);(—;—=
(F7:35C5=5) (=255

Bai 26. (PH D2009-CB)

Trong mit phang véi hé toa do Oxy, cho tam giac ABC c6 M (2; 0) 1a trung diém ctia canh AB. Pudng trung tuyén
va duong cao qua dinh A 1an lugt c6 phuong trinh 1a 7x — 2y — 3 = 0 va 6x—y—4=0. Viét phuong trinh duong thang
AC.

PS: AC:3x—-4y+5=0

Bai 27. (PH D2009-NC)

Trong mit phing véi hé toa d6 Oxy, cho dudng tron (C) : (x — 1)* + y* = 1. Goi I 14 tdm cua (C). Xac dinh toa do
diém M thudc (C) sao cho IMO = 30",

bS: M [E,iﬁj
2 2

Bai 28. (PH A2008—-CB)

. . v . . 3 r A Sy 5 .
Trong mat phang voi hé toa do Oxy, hdy viét phuong trinh chinh tac cua elip (E) biét rang (E) c6 tam sai bang 3 va

hinh chit nhat co s& cta (E) ¢ chu vi bang 20.
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét

Bai 29. (PH B2008—CB)

Trong mit phang voi hé toa do Oxy, hay xac dinh toa d¢ dinh C cua tam giac ABC biét rdng hinh chiéu vudéng goc
ctua C trén duong thang AB la diém H(—1;—1), dudng phan gidc trong cua goc A c¢6 phuong trinh x —y+2=0va
duong cao ké tir B c6 phuong trinh 4x +3y—1=0.

pS : C(—E E)

Bai 30. (PH D2008-CB)

Trong mit phing véi hé toa do Oxy, cho parabol (P) : y*=16x va diém A(1;4). Hai diém phén biét B, C (B va C khac

A) di dong trén (P) sao cho goc BAC =90°. Chtng minh rang duong thang BC ludn di qua mot diém cb dinh.
S:1(17,-4)eBC

Bai 31. (PH A2007—-CB)

Trong mat p}léng vo1 hé toa d(} Oxy, cho tam gidc ABC c6 A(O;2), B(-2;-2) va C(4;-2). Goi H 1a chan ﬁuc‘mg cao ké tur
B; M va N lan luot 1a trung di€m cua céc canh AB va BC. Viét phuong trinh duong tron di qua cac diem H, M, N.
PS : (C): X’ +y*—x+y-2=0

Bai 32. (PH B2007-CB)

Trong mat phéng vo1 hé toa do Oxy, cho diém‘A(2;2) va cac duong théng: di:x+y-2=0,
dy: x + y—8=0.Tim toa do cac diém B va C lan luogt thudc d; va d; sao cho tam gidc ABC vudng cén tai A.
PS : B(-1;3);C(3;5) hoac B(3;-1);C(3;5)

Bai 33. (PH D2007-CB)

Trong mat phang toa d§ Oxy , cho duong tron (C) : (x — 1) +(y+ 2)* =9 va duong thing d: 3x—4y+m=0 . Tim m dé
trén d duy nhat mot diém P ma tir d6 c6 thé ké dugc hai tiép tuyén PA, PB t6i (C) ( A, B 1a cac tiép diém ) sao cho tam
gia PAB déu.

BS: m=19;m=-41

Bai 34. (PH A2006—CB)
Trong mit phang véi hé toa do Oxy, cho cac duong tl{éng: dix+y+3=0, drx-y-4=0, i
ds: x — 2y =0. Tim toa d6 diem M nam trén dudng thang ds sao cho khoang cach tt M dén dudng thing

d, bang hai 1an khoang cach tir M dén duong thang d,.
bS: M(-22;-11); M(2;1)
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Bi kip Oxy ctru &m chén kinh Chuyén d¢ dic biét
Bai 35. (PbH B2006—CB)

Trong mit phang v6i hé toa do Oxy, cho dudng tron (C): x> +y> —2X—6y+6=0 va diém M(-3; 1). Goi T, va T, 1a
cac tiép diém cua céc tiép tuyén ké tir M dén (C). Viét phuong trinh dudng thang T,T..

DS: 2x+y-3=0

Bai 36. (PH D2006—CB)

Trong khong gian véi hé toa do Oxy, cho duong tron (C): X* +y> —2Xx—2y+1=0 va duong thing d: x—y+3=0.
Tim toa d6 diém M nam trén d sao cho duong tron tim M, c¢6 ban kinh gap d6i ban kinh dudng tron (C), tiép xuc
ngoai voi duong tron (C).

bS: M(1;4); M(-2;1)
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Chuyén dé: Cac bd dé tro giup gidi cac bai todn hinh hoc phang

Bién soan : Nguyén Van Nam (chinh) _ Nguyén Thé Luc

Tai liéu:

% Tam Giac ABC — Mt s6 bd dé chi cé tinh chat tham khao

THTT 384,387,390,449

Chuyén dé giai tich hinh hoc phang Chau Ngoc Hung
Tuyén tap hinh hoc giai tich trong mit phang

Tuyén chon hé phuwong trinh +Oxy

Ki thuat x( ly toa do hinh hoc phang

1. Cac dir kién khai thac duoc lién quan dén tam giac
1.1 Tam gidc can tai A

AB=AC
Dudng cao tir A=Duwdng phan gidc tir A=Puwong trung tuyén tir A
ABC = ACB

1.2 Tam gidc vuong tai A

AB.AC =0
A thubc duong tron dudng kinh BC

1.3 Tam gidc vubéng can

Téng hop céac diéu kién can va vudng

2. Cécdailuvong lién quan dén tam giac

- Diém: Tryc tdm H, trong tdm G, tdm O dwdng tron ngoai tiép, tdm | dwdng tron noi
ti€p, tam dudng tron bang tiép J4, /5, /¢ twong ing nam trong géc A, B, C)

- Duwong cao, trung tuyén, phan giac trong, ngoai, trung truc, o — le

- DPudng tron: ngoai tiép tdm O, ndi ti€p tdm |, bang tiép tdm J, o-le

3. Cdc tinh chat co ban trong tam giac

3.1. Céc quan hé bang nhau

A
‘\ AD, BE, CFla 3 duwongcaohatlr A, B, C
( HAB = HCB (cung phu véi FBD
HAB = OAC (do HAB = 90° — ABC =
B

1 | S
C 5 (180° — 2.4BC) = > (180° ~ A0C) = 0AC)



3.2 M@éiquan hé tryc tdm H va tdm O: AH = 20M

giac AHT

{ OM//AH
AH = 20M

Goi M 1a trung diém BC, T dbi ximg voi A qua O => AT la duong
kinh duong tron tam O

B, C thudc duong tron dudong kinh AT nén BALBT; CALCT (1)
H 1a truc tdm nén BALCH; CALBH (2)

Tu (1) va (2) suy ra CH//BT; BH//CT => BHCT 1a hinh binh hanh,
c6 M 1a trung diém dudng chéo BC nén M ciing 13 trung diém dudng
chéo HT; O 14 trung diém AT => OM la dudng trung binh ctia tam

—>AH = 20M

3.3 Tinh chat AOLEF

BE, CF 14 2 duong cao ha tir B, C. K¢ tiép tuyén tai
A cua duong tron tam O

= xAB = ACB
BFC = BEC = 90° => BFEC la tir giac
noi tiép =>AFE = ACB
Do d6, xAB = AFE => Ax//EF ma AO
1Ax nén AOLEF

Trung tuyén AM cua tam giac ABC, T ddi ximg
vo1 A qua O.

Theo 3.2, AAHT ¢6 M 14 trung diém cua HT, =>
AM la trung tuyén ctia AAHT, ¢6 ti s& % =3= G
cling 1a trong tdm tam giac AHT i

=>0H = 306G

2

HG 2




3.5 Diém R d6i xtrng véi H qua BC => R thudc dudng tron (0)

A

E
/'//
oA \

AN

3.7 Tinh chat d6i x(rng clia dwdng phan gidc

R, H dbi xtg voi nhau qua BC nén HBC = RBC
H 1a tryc tim => theo (3.1) thi HBC = HAC

Do d6, RBC = HAC => RBAC noi tiép => R € (0)

Chirng minh DH la phan gidc EDF

BFHD, CEHD I3 2 t& gidc ndi tiép nén

Ma theo 3.1, HBF = HCE
Suyra HDF = HDE
Tuwong ty, EH, FH la phan giac géc FED, EFD

= Hlatdm dudng tron ndi ti€p tam giac
DEF

AD 13 phan giac trong gdc A cla tam gidc ABC. M |3 diém bat ki trén AB, N |3 diém d&i xirng véi M

qua AD => N €AC

Do M, N dbi xting v6i nhau qua AD nén
MAD = NAD => AN, AC trung nhau => NeAC




3.8 Phan giac trong AD cat (0) tai K => K 13 tdm dudng tron ngoai tiép IBC

A
Chirng minh KI=KB

—

IBK = IBC + KBC = IBA+ KAC = IBA + KAB = KIB
=>tam gidc KIB can tai K

Twong ty, tam giac KIC can tai K => KI = KC

Do d9, K la tdm duwdng tron ngoai ti€p tam giac IBC
B C Luu y: K cling 1a diém chinh gitta cung BC khéng chira A =>
\ OK.LBC
K

3.9 Tiép tuyén tai A cla (O) cat BC tai P. AD |a phan giac trong géc A => PA=PD

A

PAD = PAB + BAD = ACB + DAC =
ADP =>tam giac PAD can tai P =>
PA=PD

3.10 Tam gidc ABC vudng tai A. AD la dudng cao. MEAD, NeCD

e Né&uM, N la trung diém cua AD, CD thi BMLAN

C MN la dwong trung binh cla tam giac ACD => MN//AC;
ACLAB => MN_LAB

Tam gidc ANB c6 MN_LAB, AMLBN nén M la truyc tam
tam giac ANB => BM_LAN

e NE&u AN, BM |3 phan gidc CAD; ABC thi
AN1BM

CA _CN_AM _ BA

AN, BM |a phan giac nén — = —; =
’ P g AD ND’ DM  BD

CA BA

Mat khac; AACD~ABAD nén — = —
AD ~ BD




L CN _ AM _
Do dé, o == MN//AC
Twong tw phan trén => M la tryc tam tam gidc ANB =>ANLBM

3.11 Phan giac trong AD cat (O) tai K => BK 13 ti€p tuyén dudng tron ngoai ti€p tam giac ADB

Ta can chirng minh BELBK

___180° — BFD

FBD > =90° — BAD

KBC = KAC = BAD

_—

= FBD + KBC =90° =>d.p.c.m

Dudng tron bang tiép cé tdm J 1a giao cla 1 dudng
phéan gidc trong va 2 dudng phan gidc ngoai ctia tam
gidc ABC => c6 3 duwong tron bang tiép

A,1,J cing ndm trén duwdng phan giac trong géc A =>
A, 1, thing hang

Bl, BJ 1a 2 dwdng phan giac cla 2 goc ké bu => BILBJ
=>tam gidc BlJ vuong tai B

Theo 3.8, K la tdm dudng tron ngoai ti€p BIC =>
KB=KI

= Klatrung diém IJ => KI=KJ

3.13 Trung tuyén AM, 2 dudng cao BD, CE. DE cat BC tai N => NHLAM



A Goi |, K 1a trung diém AH, HM
= |13 tdm duwdng tron ngoai tiép AEHD

(do AEH = ADH = 90°)

| o Va K 1a tdm duwdng tron ngoai ti€ép tam
gidc HMF(AFM = 90°)

E H Va duong tron tam |, tdm K cdt nhau tai H, N =>
NH Ia truc dang phuong cla 2 duwong tron tam
b, (1, (K)

%+ BG6 dé trong hinh vudng, hin

h chit nhat...
F _ AB

1. AFLBE, trong d6 EECD, FEBC théa man = = 22

A B
F

b
D E C
A B
F
< .C

D E

2. Tinh chit ABLEF <> AE? — BE?

CE BC

AABF~ABCE (do c6 ABF = BCE = 90°%; = = =)
CE BC

= BAF = CBE ;lai c6 BAF + BFA = 90°
= BFA + CBE = 90° =>BELAF

Chu y: - Khi AB=BC, tirc ABCD la hinh vuéng, néu cé
BF=CE ta cling c6 AFLBE

Truwong hop, E, F [an lwot 1a trung diém cda CD, BC
=> BF=CE=AB/2 => AFLBE

= AF? — BF?



o Ap dung dinh ly Py-ta-go: AE? = AH? +
EH?;BE? = EH? + BH? =>AE* — BE? =
AH? — BH?
Tuong tw, ta cé AF?> — BF? = AH? — BH?
A B
D6 d6, AE?> — BE? = AF? — BF?
F

3. Hé qua cla bé dé tam giac 3.10

E, F, N, M, | Idn lwot 13 trung diém cta AB, DH, AD, CH, BH

A N D

[, M 13 trung diém cta BH, CH => bd dé 3.10, Al LBM

Ml la dwong trung binh cda tam giac HBC => MI//BC//AD
va MI%BC = %AD = AN

= AIMN la hinh binh hanh => Al//MN
= MNL1BM

Tuwong tu, chirng minh duwgc EFMB la hinh binh hanh =>
BM//EF => Al LEF Va EFLMN

4. KHLIN, K 13 diém d6i xirng cta C qua B, M,N, | 1a trung diém cua BH, CH, AD

A I D

Theo bé dé 4, AMLBN, AINM I3 hinh
binh hanh => AM//IN

BN la duwong trung binh clia tam giac
HCK nén BN//KH

Do d6, KHLIN

Puong thang d bat ki cat AB, AC, AD Ian lwot tai M, P, N



Ké BB’//DD’//d

Theo dinh ly ta-let: AP VAN . ap

AD' _ AB'+AD' _ AC
AP~ AP AP

e . 2 . ~ . AB
Néu d di qua diém O thi ta luén cé Y +

A L

A

AB _ AB' AD _ AD'

Do d6, AB'+AD’=AD"+D’C=AC =>= + 22 =
AM AN

ABCD Ia hinh binh hanh, BB’//DD’ nén AB’=CD’

__AB’

T

AD
_ =2
AN

AB AC AD 2A0
to ==

=>— =
AM AN AO AG

AC

, AB
Né la trong tam lubn cé6: — + —
€éu G la trong tam, ta luén cé AM+AN

Ap dung b6 dé 5, dung hinh binh hanh ABDC

=3

7. B, H, 1,0, Cclngnam trén duong tron néu BAC = 60°

ol o AN
5 HA10

1 f,‘?"-:_w-:b.
e e i e

Ta c6 cac cong thire sau: BIC = 90° + Bac _

2
120°; BOC = 2BAC = 120°

——

ABH =90° — BAC = 30° =>BHC = ABH + HCB =

30° +90° = 120°

do @6, BHC = BIC = BOC = 120° =>B, H, |, O, C cling

thudc 1 duwong tron




8. DELKE

F, E, K 1a trung diém cta AB, DO, CO

A K B
Vi EF 1a duong trung binh ctia AOCD nén
EF =D
2
Ma OK = %AB (do OK la dudong trung
O

tuyén ctia AOAB vudéng can) nén EF = OK.
F E M3t khac ta cé DF = OE;

DFE =180° —OFE =135° —=EOK.
Suy ra ADFE = AEOK (c—g-—c).
D C Do d6 FDE = OEK
— DEK =DEO +OEK =DEO +FDE

= AOD (tinh chat géc ngoai cia tam giac)
9. AI=AD = 90° hay KE | DE (dpcm).

M, N la trung diém cutia AB, BC. AN cat CM tai |

A M B
Goi P 1a trung diém CD
AP c&t DN tai H. theo b6 dé 1, DNLCM
N Dé thay AMCP 1a hinh binh hanh => AP//CM hay PH//CI, ma
H | P la trung diém DC nén H I3 trung diém DI
AP//CM => APL1DN
D P C Do d6, AP vira |a trung tuyén , vira la dwdng cao => tam gidc
) ADI can tai A => AD=Al
10. A, L, N thang hang




I, I, 1a tdm dwdng tron noi ti€p, va bang tiép géc A
tiép xuc vdi BC [an luot tai M, N. L d6i xirng vai M
qual=>A, |, I, thing hang (1)

{

H, K la tiép diém cua (1), (I,) vdi AB

IL L BC
I,N L BC

7

Lai co:

=> IL//I,N (2)

IH
1K

1A
=14 (doIH//I,K) (3)

T (1), (2), (3) suy ra A, L, N thang hang

11. BM=CP

B

M P

C

Ké duong kinh Mn. AN cat BC tai P

tiép diém cha (1) véi AB
= |E la phan gidc géc KIN

C6 1B la phan giac géc KIM

Pudng tron ndi tiép tam |, tiép xuc vdi BC tai M.

Ké ti€p tuyén cla (1) tai N, cit AB, ACtai E, F. K I3

KIN + KIM = 180° nén EIB = 90°=>ABIE vudng tai | ¢ IK |3 dwong cao =>r% = [K? =

KE.KB = NE.MB

Tuong tw, r> = NF.MC

NF _ NE+NF _

Do d6, NE.MB=NF.MC =>~& = M _ _
MB MC+MB BC

Mc

Lai c6 EF//BC nén NE _

EF ¢ o
o ﬁDo do CP=BM

12. AMLPQ

EF



B C

D M

AD, BE, CF la 3 dudng cao hatir A, B, C.
Puong thang qua A song song BE cat CF tai
P. Pudng thang qua A song song CF cat BE
tai Q

= APHQ Ia hinh binh hanh. Goi | [a tdm
giao cla AH va PQ => | 13 trung diém AH

Cé: ABC = AHP (do t& gidc BFHD ndi tiép)

—_—

APH = BAC (do phu véi 2 goc PAF
= BAE)

do d6, AABC~APHA (g-g) c6 1, M la trung diém AH va BC

=> APIH~AAMB =>PIH = AMD => IKMD ndi tiép =>IKM = 90°

=> dpcm

13. CHLHF

D €

14. BKC = 90°

F, E thudc AB, AD théa man AF=AE. H la
hinh chiéu cGa A |én BE

Xét AAHF va ABHC cé:
HAF = AEH = HBC
AH_BH_>AH_BH
AE  BA ~ AF  BC
= AAHF~ABHC (c-g-c)
= AHF = BHC

Ma AHF + FHB = 90°nén BHC + FHB
90°

= HFIHC




B D c
D, E, F 13 ti€p diém cua (1) v&i BC, CA, AB. EF cat Bl tai K
Ta cé BIC = 90° +?=>K/I\C = 9(Q° _ﬁ
TEA _ oD _ 180°—BAC _ ., BAC
KEC = AEF = — =90 :

Do d6, KIC = KEC => T giac EKCI ndi tiép, cé IEC = 90°nén IKC = 90°
= Ppcm
Bai tap ap dung

Vi du 1:Trong mit phang Oxy, cho tam gidc ABC c6 truc tim H(1;3), tim duong tron ngoai tiép tam giac
ABC 12 1(2;0) va diém A(3;4). Viét phuong trinh duong thang BC

Giai




AH =(-2;-1)
H 1a tryc thm => AHLBC => VTPT cua BC 1a AH = (—2; —1) hay figo=(2;1)

Ta can tim thém toa do mot diém thudc BC. Piém nay c6 thé 1a chan hinh chiéu cta A 1én BC, c6 thé 1a
trung diém ctia BC, hay c6 thé 1a giao ctia Al v6i BC

Quan sat dir kién dé bai, xuat hién A, H, I (tAm ngoai tiép), ta lién hé ngay t6i bo dé:

Méi quan h¢ truc tdm H va tam O: AH = 20M

Goi M la trung diém BC, T dbi xting v6i A qua O => AT la duong kinh duong tron tim O
B, C thudc duong tron duong kinh AT nén BALBT; CALCT (1)
H 1a tryc tim nén BALCH; CALBH (2)

Tir (1) va (2) suy ra CH//BT; BH//CT => BHCT la hinh binh hanh, c6 M 14 trung diém dudng chéo BC
nén M ciing 1a trung diém duong chéo HT; O 14 trung diém AT => OM la dudng trung binh ciia tam giac
AHT

{ OM//AH __ 75 — JoM

AH = 20M

Tu d6, ta nhan ra phai di tim toa d diém M:

A 2 N — — _ __ xM _ 1
Ap dung bo dé:AH = 2IM=(-2;-1) ®{2(xM x7) 2@{

1
1=>M(1;—=
2 —y) = —1 > ( 2)

Ym = —3

Do d6, phuong trinh duong thang BC qua M(l;—%), cO vipt nge=(2;1) la:



(BC): 2(X-1)+1.(y+%):0 & (BC): 2x-+y- gz

Vi du 2:Trong mit phang Oxy, cho hinh vuéng ABCD canh a=1. M, N 1a trung diém ciia AB, BC.
Biét phuong trinh duong thang CM, DN lan luot 1a x+y-2=0; x+2y-3=0. Tim toa d6 A biét A thudc d:
x-2y+3=0

Giai

Tham sb hoa A(2t-3;t) => can tim thém 1 phuong trinh lién quan
Goi I 1a giao diém cia CM, DN =>I(1;1). Ta c¢6 bd dé sau:
AD=AI

M, N Ia trung diém cua AB, BC. AN céit CM tai I

A M B
N
H |
D P C
Goi P 1a trung diém CD

AP cit DN tai H. theo bd dé 1, DNLCM

D& thiy AMCP 14 hinh binh hanh => AP//CM hay PH//CI, ma P 1 trung diém DC nén H la
trung diém DI

AP//CM => APLDN
Do d6, AP vira la trung tuyén , vira 1a dudng cao => tam giac ADI can tai A => AD=AI

Ap dung bé deé:

1=AD=Al=/(2t — 4)% + (t — 1)2¢> t=1 hodc t=8

= A(-1;1) hodac A(13;8)



Vi du 3: (Khéi A-2009) Trong mit phang Oxy, cho hinh chit nhat ABCD c6 diém 1(6:2) la
giao cua 2 duong chéo AC va BD. Biém M(1;5) thudc canh AB va trung diém E cua CD
thudc dudng thang A: x+y-5=0. Viét phuong trinh dudng thing AB

Giai

A M B
C

D E N

Viét phuong trinh dudng thang AB, biét di qua M(1;5). Ta can tim vecto phap tuyén cia no
(6 thé tim thém 1 diém khac thuoc AB nhung khong kha thi)

Nhan thaylE LCD//AB => IELAB , di biét diém | => can tim diém E s& suy ra duoc vtpt cua
AB. biém E thudc A:x+y-5=0 => tham sb hoa E(t;5-t) => can tim thém 1 phwong trinh

Khi d3 biét toa d6 tam I, ta nghi ngay dén tinh chat d6i xung cua hinh chir nhat:
Cho hinh chit nhat ABCD c6 tdm . Néu MEAB, N déi xtng véi M qua | thi NECD

2X1 — Xy = 11

Do d6, N ¢ toa do =>N(11;-1
odo COQaQZy,—yM=—1 ( )

Tir d6, ta co 1 phuong trinh lién qua dén t Ia: EI.LEN =0
El =(6—t;t—3);EN = (11—t;t — 6)

= (6-0).(11-)+(t—-3).(t—6)=0=> i:?

- Néut=6 =>EI = (0:3) => (AB): 3(y-5)=0
- Néut=7 =>EI = (—1;4) => (AB): -1(x-1)+4(y-5)=0 <> (AB) —x+4y-19=0

Vi du 4:Trong mat phang Oxy, cho duong tron (C) x? + y? = 25 ngoai tiép tam giac nhon ABC
c¢6 chan cac duong cao ha tir B, C lan lugt 13 M(-1;-3); N(2;-3). Tim toa d6 cac dinh cua tam giéc
ABC biéty, < 0

Gial



Biét y, < 0 => tim toa d6 diém A truéc
Xuat hién 2 chan duong vudng goc va tdm ngoai tiép, ta nghi dén bo dé:

Tinh chdt AOLEF

BE, CF 1a 2 duong cao ha tir B, C. Ké tiép tuyén tai A ctia duong tron tam O
= xAB = ACB
BFC = BEC = 90° => BFEC la ti gi4c noi tiép =>AFE = ACB
Do d6, xAB = AFE => Ax//[EF ma AO LAXx nén AOLEF

Ap dung,tacd MNLAO ; MN = (3;0) => VTPT cuia AO la 75y = (3;0)

AO qua O(0;0), c6 vtpt nyy = (3;0)



= (AO): x=0
x=0 X

=0
x2+y2=25¢>y=_5(d0yA<0)

= Toa d6 diém A la giao caa duong tron © véi AO: {

= Phuong trinh AN: x-y-5=0
= Phuong trinh AM: 2x+y+5=0

biém B, C la giao cua AN, AM véi duodng tron ©:

{x_y_5=0—>3 5,0
x> +y?=25" 0
2x+y+5=0
{x Y => C(—4;3)

x?2 +y? =25

Vi du 5:Trong mat phang toa d¢, cho tam giac ABC can tai A, truc tam H(-3;2). Goi D, E lan luot la chan
duong cao ha tir B, C. Biét A nam trén duong thang d: x-3y-3=0. Diém F(-2;3) thudc dudng thiang DE va
HD=2. Tim toa do diém A

Gial

B e

A€g(d): x-3y-3=0 => A(3t+3;t)

Ta can tim thém 1 phuong trinh lién quan dén A
Tam giac ABC cén tai A, D, E 1a chan duong cao ha tir B, C => DE//BC
H la tryc tam => AH1BC

= AH1DE hay AHLDF

Sir dung b dé sau:

Tinh chit ABLEF ©AE? — BE? = AF? — BF?



F

Ap dung dinh ly Py-ta-go: AE? = AH? + EH?; BE? = EH? + BH? =>AE? — BE? = AH? —
BH?

Tuong tu, ta ¢ AF? — BF? = AH?> — BH?
D6 d6, AE? — BE? = AF? — BF?
Ap dung:FA? — FH? = DA*> — DH?
Theo Py-ta-go: DA?> = AH? — DH? =>FA? — FH? = AH? — 2DH?
Biét toa do F, H, tham s6 hoa A, doan DH => ta dugc 1 phwong trinh cia t:
(Bt+5)2+(t—3)>—2= (Bt +6)?+ (t —2)? — 8% t=0=> A(3;0)

Vi du 6:Trong mét phang v&i hé toa d6 Oxy, cho tam gidc ABC c6 céac diém 1(1;-1) va J(1;0) Ian luot 1a
tdm duwdng tron ngoai ti€p va ndi tiép tam gidc ABC, dudng tron bang tiép goc A cd tdm F(2;-8). Tim toa
dé clia cac dinh cda tam giac biét dinh A c6 tung dé &m

Giai
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B6 d@é lién quan dén dudng tron bang tiép:

Phan giac trong AD cét duong tron (O) tai K=> I va J d6i xtng véi nhau qua K




- Puong tron bang tiép co thm J 1a giao cta 1 dudng phan giac trong va 2 dudng phan
gi4c ngoai ciia tam giac ABC => ¢6 3 duong tron bang tiép

A 1,J cling nam trén dudng phan giac trong géc A => A, 1, J thang hang
BI, BJ 1a 2 duong phan giac cua 2 goc ké bu => BILBJ => tam gi4c BIJ vuéng tai B
Theo 3.8, K 1a tim dwdng tron ngoai tiép BIC => KB=KI
= K la trung diém 1J => KI=KJ
Ap dung b6 dé:
Hudng: Toa d6 A 13 giao clia dudng tron ngoai ti€p tam | véi JF
Goi M la trung diém cha JF => M thudc dudng tron ngoai tiép tdm | cia tam gidc ABC

M(%; —4) => dwdng tron tdm ngoai tiép tam gidc ABC c6 tdm 1(1;-1), ban kinh

IM=\/(% — 12+ (—-4+1)2= % => phuong trinh duong trontam 11a: (x — 1)? + (y + 1) = %

Phuong trinh duwong thang JF 1a: ;‘—j = _y8—__00<3:> 8x+y-8=0

Toa d6 diém A thda man 1 giao clia dwong tron ngoai tiép ABC véi dwong thang JF:

—1)2 2 _37
x=-1)*+@+1) T x=> hodic x=
8x+y—-8=0 2 130

Néu x=§ thi y=-4 (thda man)
g L 97 :
Néu X=T25 thi y>0 (loai)
A A3
VayA(S;—4)
Vi du 7:(Khéi D-2014) Trong miat phiang Oxy, cho tam giac ABC c6 chan dudng phén giac goc A la

D((1;-1). Buong thiang AB ¢ phuong trinh 3x+2y-9=0. Tiép tuyén tai A cta dudng tron ngoai tiép ABC
c¢6 phuong trinh x+2y-7=0. Viét phwong trinh dwong thang BC.

Gial
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BC di qua D(1;-1). Ta ¢ 2 huéng: tim vtpt hoidc tim 1 diém khéc D thuoc BC

- Hudng tim vtpt khdng kha quan do thiéu cac yéu t vé& vudng goc
- Di theo hudng 2, tim diém khéc D thuoc BC

Goi E 1a giao diém cua tiép tuyén tai A ctiia duéng tron ngoai tiép ABC voi BC => (AE): x+2y-7=0

3x+2y—9=0¢>A(1;3)

De dang tim dugc toa do A: X+2y—7=0

Ta sir dung b dé sau:

Tiép tuyén tai A cuia (O) cat BC tai P. AD la phan giéc trong goc A => PA=PD

A

PAD = PAB + BAD = ACB + DAC = ADP => tam giac PAD can tai P => PA=PD
Ap dung b dé:

EA=ED => E thugc duong trung truc cua AD

Phuong trinh duong thang AD: x=1 => phuong trinh trung truc AD ¢6 dang y=m

Trung truc A cia AD qua diém N 13 trung diém AD, c6 toa d6 N(1;1) nén m=1



= (A):y=1

x+2y—7=0

Piém E 14 giao cua AE va (A): ; _ . PESD

_ y+1

~ Jxml oyt
= Phuong trinh BC: 1= 1o

& (BC): x-2y-3=0
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Chao cac em, nhu vay la cac em da doc dén trang cudi cung cua “Bi Kip Oxy ctru am chan
kinh” ma anh va anh Nguyén Van Nam da day cong bién soan.

Dé viét tai liéu nay mat rat 13 nhiéu thoi gian va tim huyét, hi vong s& dem lai nhitng kinh
nghiém quy bau cho cac em, gitip cac em lam tét cdu Oxy trong dé THPT Quéc Gia








