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CHUONG 2 PUGNG THANG VA MAT PHANG TRONG
KHONG GIAN. QUAN HE SONG SONG

sil 1. DAl CUONG VE DUONG THANG VA MAT
PHANG

@ TOMTATLY THUYET

€ M& DAU VE HINH HOC KHONG GIAN

s N
Hinh hoc khong gian c6 cac déi tugng co ban la diém, duong thing va mat phing. Quan hé thuoc:
Trong khong gian:

@) Véi mot diém A va mot duong thing d c6 thé xay ra hai trudng hop:

— Diém A thuoc duong thang d, ki hieu A € d.
— Diém A khong thude duong thang, ki hieu A ¢ d.

(2) V6i mot diém A va mot mat phang (P) c6 thé xay ra hai trudng hop:

— Diém A thudc mat thang (P), ki hieu A € (P).
— Diém A khong thuoc duong thang, ki hieu A ¢ (P).

A J
€ CAC TINH CHAT THUA NHAN
( B

— Tinh chat thita nhan 1: Cé mot va chi mot duong thang di qua hai diém phan biét cho trude.

— Tinh chét thita nhan 2: C6 mot va chi mot mit phang di qua ba diém khong théng hang cho
trudc.

— Tinh chat thita nhan 3: Ton tai bén diém khong ciing nim trén mot mat phéng.

— Tinh chat thita nhan 4: Néu hai mat phing phan biét c6 mot diém chung thi ching c6 mot
dudng théng chung duy nhat chita tit ca cac diém chung ctia hai mat phang do.

— Tinh chat thita nhan 5: Trong méi mit phing, cac két da biét ctia hinh hoc phing déu dung.

Dinh 1i 1. Néu mot duong thing di qua hai diém phan biét ciia mot mat phdng thi moi diém cia
duong thdang déu thuéc mat phdang do.

G J
€)  DIEU KIEN XAC DINH MAT PHANG
' N\

C6 bbén cach xac dinh trong mot mat phang:

— Cach 1: Mot mit phing duge xac dinh néu biét né di qua ba diém A, B, C khong thing hang
clia mat phang, ki higu (ABC).

— Cach 2: Mot miit phing duge xac dinh néu biét né di qua mot duong thing d va mot diém A
khong thuodc d, ki hieu (A, d).
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I

— Cach 3: Mot miit phang duge xac dinh néu biét né di qua hai dudng thing a, b cit nhau, ki hi¢u

(a,b).
o

— Cach 4: Mot mat phing duge xac dinh néu biét né di qua hai dudng thing a,b song song, ki

P

hiéu (a,b).
A\ J
€) HINH CHOP VA T DIEN
4 R

Dinh nghia 1. Cho da gidc A1 Ay ... A, va cho diém S nim ngoai mit phing chia da gidc d6. Noi
S v6i cac dinh Ay, As, ..., A, ta duge n mién da gidac SA1 Ay, SAsAs, ..., SA,_1A,. Hinh gom n tam
giac d6 va da giac A1 AsAs ... A, duge goi 1a hinh chép S.A1A45A43... A,

S

Trong do:
— Diém S goi la dinh ctia hinh chép.
— Da gidc A1As ... A, goi & mat day cia hinh chép.
— Cac doan thzing A1As, AsAs, ..., An_1 A, g0i 1a cac canh day ciaa hinh chop.
— Cac doan thing SA;, SAs,...,SA, goi la cic canh bén ciia hinh chop.
— C4c mieén tam giac SA1As, SAsAz,...,SA,_1A, goi la cic mat bén clia hinh chop.

— Néu day ctia hinh chép 14 mot mién tam giac, t giac, ngii giac, ... thi hinh chép tuong tng goi
1 hinh chép tam giac, hinh chép ti gidc, hinh chép ngii giac,. . .

— Hinh chop tam gidc con duogc goi la hinh ta dién.

— Hinh ti¢ dién cé bon mdt la nhitng tam gidc déu hay co tat cd cdc canh bang nhau dudc goi la
hinh t¢ dién déu.
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(® CACDANG TOAN
‘ Dang 1. Xac dinh giao tuyén ctia hai mat phiang

Phuong phap giai:
DE xdc dinh giao tuyén cia hai mat phdng, ta tim hai diém chung ciia ching. Duong thing di qua hai
diém chung dé la giao tuyén.

/\ Diém chung ctia hai mat phang (o) va (B) thuong duge tim nhu sau

— Tm hai dudng thdang a, b lan lugt thuoc (o) va (B), dong thoi ching cing {3
ndm trong mdt phdang () nao dé. b

— Giao diém A = anb chinh la diém chung cia (o) va (B). /
A

Dang 2. Chiing minh ba diém thang hang, ba dudng tha déng quy

Phuong phap giai:

— D€ chimg minh ba diém (hay nhiéu diém) thang hang ta chiing minh ching la diém chung cia
hai mdt phdang phan biét, khi dé ching ndm trén duong thing giao tuyén cia hai mdat phing nén
thdng hang.

— DE ching minh ba duong thing dong qui ta ching minh giao diém cia hai duong thdng thuoc
duong duong thing con lai.

Dang 3. Tim giao diém ctia dudng thang va mat phang

Phuong phap giai:
Tim giao diém ciia duong thing d va mat phing (P) ta can luu § mot sé trudng hop sau

(@ Néu trong (P) c6 sin mot duong thang A cat d tai M thi M = d N (P).
(2 Néu trong (P) chua cé sin duong thing A cat d thi ta thac hién theo cdc budc sau

Bué6c 1. Chon mot mdt phang (Q) chita d.
Budc 2. Tim giao tuyén A = (Q) N (P).
Bué6c 3. Trong (Q) goi M =dNA. Khi dé, M la giao diém gita d va (P).

Dang 4. Xac dinh thiét dién ctia mot mat phing véi hinh chép

Phuong phap giai:

DE xdc dinh thiét dien cia hinh chép S.A1As... A, cdt bdi mat phang (), ta tim giao diém cia mat
phing (a) véi cic duong thang chita cdc canh ciia hinh chép. Thiét dién la da gidc cé dinh la cdc giao
diém ciia (o) vdi hinh chop (va méi canh ciia thiét dien phdi la mot doan giao tuyén véi mot mat ciia

Th.s Nguyén Chin Em 3 https://emncischool.wixsite.com/geogebra
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hinh chép).
Trong phan nay ching ta chi zét thiét dién ciia mat phing di qua ba diém khong thdang hang.

Dang 5. Dung dudng thang di qua mot diém va cit hai dudng thang chéo nhau

Phuong phap giai: Dé dung duong thing d di qua O va cit dy; da, ta dung giao tuyén cia hai mat
phagng (O,dl) va (O, dg), khi do d = (O,dy) N (O,dg).

d

o

Dang 6. Tim tap hop giao diém ciia hai dudng thing va bai toan chitng minh giao tuyén
di qua diém cé dinh

Phuong phap giai:
DE tim tap hop giao diém I cia hai duong thdng thay doi a, b ta chon 3
hai mat phdng cé dinh (o) va (3) cdt nhau lan lugt chita a, b. Khi dé

Ieac (a) — (a d
revc(g “led=@n® —

I:aﬂb:>{

Vay diém I thudc giao tuyén ciia hai mat phding (a) va (B). [

Dé ching minh duong thcfng d di qua mot diém c6 dinh ta thuc hién theo cdc bude sau:
- Chon mot diém co dinh J thuodc hai mdt phdang (8) va (7).
- Chitng minh d la giao tuyén ciia hai mat phang (8) va (), khi dé d di qua diém c6 dinh J.

(® CAC ViDU MINH HOA

Vi du 1. Cho hinh chép S.ABCD, day ABCD la tit gidc c6 cac cap canh déi khong song song, diém
M thudc canh SA. Tim giao tuyén clia cic cip mit phang

@ (SAC) va (SBD). (2 (SAC) va (MBD).
(3) (MBC) va (SAD). (@ (SAB) va (SCD).

&L giai.
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@ Trong (ABCD), goi O = AC N BD. Khi do,

{o €ACC (SAO) ) ¢ (sa0)n(SBD).

O e BD C (SBD)

Lai ¢6 S € (SAC)N (SBD,).
Vay SO = (SAC)n (SBD,).

(2 Vi O = ACNBD nén

{0 €ACC (540) _ (SAC) N (MBD).

O e BD C (MBD)

D& thay, M € (SAC) N (M BD).
Vay OM = (SAC) N (MBD).

¢) Trong (ABCD), goi F' = BC N AD. Khi do,

{F € BC C (MBQO) = F € (MBC)N (SAD).

F e AD C (SAD)

Mzt khac, M € (MBC) N (SAD).
Vay FM = (MBC) N (SAD).

d) Trong (ABCD) goi E = ABNCD, ta co

{E €ABC(54B) _ . (SAB) N (SCD).

EeCD c (SCD)

Dé thiy, S € (SAB) N (SCD).
Vay SE = (SAB) N (SCD).

Vi du 2. Cho tit dien SABC. Trén SA, SB va SC lay céac diém D, E v F sao cho DE cit AB tai
I,EF cat BC tai J, FD cat CA tai K. Chitng minh I, J, K thing hang.

#Loi giai.
Ta cb
I=DFENAB

DE c (DEF) = I € (DEF) N (ABC) (1)

AB C (ABC)
Tuong tu J = EF N BC
{J € EF € (DEF)

J € BC C (ABC)

= J € (DEF)N (ABC) (2)
K € DF C (DEF)

K=DFnNnAC =
K € AC C (ABCQC)

= K € (DEF) N (ABC) (3)

Tt (1),(2) va (3) ta c6 I, J, K la diém chung ctia hai mit phing (ABC) va (DEF) nén ching thing
hang. O
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Vi du 3. Cho hinh chép tit giac S.ABCD v6i day ABCD c6 cac canh dbi dién khong song song véi
nhau vd M 1a mot diém trén canh SA.

(@) Tim giao diém ctia duong thang SB véi mit phing (MCD).

(2) Tim giao diém ctia duong thing MC va mat phang (SBD).

L5 giai.

(@) Tim giao diém ciia duong thing SB véi mit phing (MCD).
Ta c6 SB C (SAB).
Trong (ABCD) goi E = ABNCD.
Khi d6, (SAB) N (MCD) = ME.
Trong (SAB), goi N =SBNME. M
Vay N =SBN(MCD). D

(2) Tim giao diém ctia duong thang M C va mit phang (SBD). A
Ta c6 MC C (MDE).
Dé thay (MDE) N (SBD) = DN.
Trong (M DE), goi K = MC N DN. B ¢
Vay MC N (SBD) = K.

E
([l

Vi du 4. Cho hinh chép tit giac S.ABCD, c6 day la hinh thang véi AD 1a day 16n va P 1a mot diém
trén canh SD.

a) Thiét dién ctia hinh chép cat bdi mat phang (PAB) 1a hinh gi?

b) Goi M, N lan lugt 1a trung diém ctia cadc canh AB, BC. Thiét dién ctia hinh chép cit bsi (M N P)
Ia hinh gi?

“Lo1 giai.
a) Trong mit phang (ABCD), goi E = AB N CD. Trong mit phing (SCD) goi Q = SC N EP. Ta ¢6
E € AB nén EP C (ABP) = Q € (ABP), do d6 Q = SC N (ABP). Thiét dien 1a tit gidc ABQP.

S
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b) Trong mat phing (ABCD) goi F,G lan lugt 1a cic giao diém ctia M N v6i AD va CD.
Trong mit phang (SAD) goi H = SAN FP.
Trong mat phing (SCD) goi K = SC N PG.
Tacé F € MN, do d6 F € (MNP) nén FP C (MNP) = H € (MNP).

HeSA
ay = H=SAN(MNP).
H e (MNP)
Tuong tu K = SC N (MNP). Nen thiét dien la ngit gidc QM NK PH. O
S
F

Vi du 5. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi day 16n 1o AB. Mot mit phang
(P) quay quanh AB cat cac canh SC, SD tai cac diém tuong ting E, F.

(1) Tim tap hgp giao diém I ctia AF va BE. (2) Tim tap hgp giao diém J clia AE va BF.

Lo giai.

®

Phan thuan.
I e AF

Tacét [ = AFNBE =
I € BE

P—»U)

AF C (SAD
Lai c6 CSAD) b ¢ (s4D) N (SBO).
BE C (SBC)

Trong (ABCD) goi H=AD N BC
He AD H e (SAD)
{H eBc {H € (SBO)
= SH = (SAD)N(SBC)=1¢€ SH.
Gidi han.
Khi E chay dén C thi F chay dén D va I chay dén H. D ¢
Khi E chay dén S thi F' chay dén S va I chay dén S.

Phan dao.
Lay diém I bat ki thuoc doan SH, trong (SAH) goi F = SD N AI
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Trong (SBH) goi E = SH N BI khi d6 (ABEF) la mit phang quay quanh AB cit cic canh SC, SD
tai E, F va I 1a giao diém ctia AF va BE.
Vay tap hop diém I 1a doan SH.

= J € (SAC) N (SBD).

AFE A
@TacéJ:AEmBF:»{JE :»{JG(S ¢)

J € BF J € (SBD)

Nhung SO = (SAC) N (SBD) nén J € SO.

Khi E chay dén chay dén C thi F chay dén D va J chay dén O.
Khi E chay dén S thi F chay dén S va J chay dén S.

Lap luan tuong tu trén ta c6 tap hop diém J 1a doan SO.

Vi du 6. Cho tit dien ABCD, O la diém thudc mién trong tam gidc BC D, M 1a mot diém trén canh
AB.

(1) Dung duong thing di qua M cit ca AO va CD.

(2) Goi N 1a mot diém trén canh BC sao cho ON khong song song véi BD. Dyng dudng thing di
qua N cat AO va DM.

Lol giai.
(@ Trong (BCD), goi P = BONCD.

Trong (ABN), goi I = PM N AO.
Dudng thang M P chinh 13 duong thang di qua M cit ca AO va CD.

(2 Trong (BCD), goi E = NON BD.
Trong (ABD), goi G = DM N AE.
Trong (NAE), goi F = AONNG.
Duong thing NG chinh la dudng thing di qua N cit cd AO va DM.
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O
(® BAITAP REN LUYEN
Bai 1. Cho ti dien ABCD, O 1a mot diém thudc mién trong tam giac BCD, M la diém trén doan AO.

(@ Tim giao tuyén ctia mit phang (MCD) véi cac mit phang (ABC).
(2) Tim giao tuyén ctia mit phang (M CD) vé6i cac mit phang (ABD).

(3 Goi I, J la cac diém tuong tng trén cac canh BC va BD sao cho I.J khong song song véi C'D. Tim
giao tuyén ciia hai mit phing (IJM) va (ACD).

L1 giai.

(@ Trong (BCD) goi N = DO N BC,
trong (ADN) goi P = DM N AN
{P € DM c (CDM)

P e AN C (ABC)
= P e (CDM)nN (ABC).
Lai ¢6 C € (CDM) N (ABC)
= PC = (CDM) N (ABC).

(2) Tuong tu, trong (BCD) goi Q = CON BD,
trong (ACQ) goi R =CM N AQ
ReCM cC (CDM)
{R € AQ C (ABD)
= R e (CDM)N(ABD).
Mit khac D 1a diém chung thit hai ctia (MCD) va (ABD)
nén DR = (CDM) N (ABD).

F

c¢) Trong (BCD) goi E =BONCD, F=1JNCD, K =BENIJ. Trong (ABE) goi G = KM N AE.
[FelJc(IJM)

? {F € CD C (ACD)
GeKMc (IJM)

G € AE C (ACD)

= F e (IJM) N (ACD).

Ta lai ¢6 { = G € (IJM)N (ACD). Vay FG = (IJM) N (ACD).

]

Bai 2. Cho tt dien SABC c¢6 D, E lan lugt 1a trung diém cia AC, BC va G la trong tam ctia tam giac
ABC. Mt phang («) di qua AC cat SE, SB lan lugt tai M, N. Mot mit phang (3) di qua BC cat SD, SA
tuong tng tai P va Q.

a) Goi I = AM N DN,J = BPnN EQ. Ching minh ring S, I, J, G thang hang.
b) Goi K = AN N DM, L = BQ N EP. Chiing minh réng S, K, L thang hang.

&L giad.
@ Taco S € (SAE)N (SBD) (1)
G € AE C (SAE)
G=AENBD =
G € BD C (SBD)
G € (SAE) )
G € (SBD)
I € DN C (SBD)
I=AMNDN =
I € AM C (SAE)
I € (SBD)
- 3
{I € (SAE) )

Je€BPC (SBD) (Je€(SBD)
J=BPNEQ = =1

J € EQ C (SAE)
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Tt (1),(2),(3) va (4) ta c¢6 S,1,J,G 1a diém chung ctia hai mat phing (SBD) va (SAE) nén chiing
théng hang.
b) Ta c6 S € (SAB)N(SED.) (1)
K € AM C (SAB) K € (SAB)
K=ANNDM =
K € DM c (SED) K € (SED).
L e BQ C (SAB) L e (SAB)
L e EPc (SED) L € (SED).
Tit (1),(2),(3) ta c6 S, K, L 1a diém chung ctia hai mat phing (SAB) va (SED) nén chiing thing
hang.

L:BQQEP:>{

O

Bai 3. Cho hinh chép tit gidc S.ABCD, M 1a mot diém trén canh SC, N 1 trén canh BC. Tim giao diém
cia dudng thang SD véi mit phang(AMN).
“Loi giai.

Ta c6 SD C (SCD).

Trong (ABCD), goi E=ANNCD.

Khi d6, (SCD) N (AMN) = ME.

Trong (SCD), goi F =SDNME.

Vay F =SDN(AMN).

Bai 4. Cho hinh chép S.ABCD c6 ddy ABCD la mot hinh binh hanh tam O. Goi M, N, P 1a ba diém trén
cac canh AD,CD, SO. Xac dinh thiét dién ctia hinh chép véi mat phang (M N P).
A Loi giad.

Trong mat phang (ABCD) goi E, K, F lan lugt 14 giao diém ctia M N v6i DA, DB, DC. Trong mit
phéng (SDB) goi H=KPnNSB.
Trong mit phang (SAB) goi T = EH N SA.
Trong mit phang (SBC) goi R=FHNSC .

Ee€MN
Ta c6 Suy ra EH C (MNP).

HeKP
TcSA
Ta co SuyraT = SAN(MNP).
TeFEH
Li luan tuong ty ta ¢c6 R = SC N (M N P). Thiét dién 1a ngi gihc MNRHT. O
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, R . AM | AN
Bai 5. Cho tit dien ABDC'. Hai diem M, N lan lugt nam trén hai canh AB va AC sao cho — # —

Mot mit phang (P) thay dbi luon chita M N, cét cac canh CD va BD lan lugt tai E va F. AP e
a) Ching minh FF luon di qua mot diém ¢6 dinh.

b) Tim tap hop giao diém I ctia ME va NF.

c) Tim tap hop giao diém J ciia MF va NE.

“L3i giai.

. KeMN Ke(MNP
a) Trong(ABC)gQiK:MNﬂBCthiKcédinhva{ < :{ € )

K € BC K € (BCD)
Lai ¢6 EF = (P)N(BCD) = K € EF.
Vay EF luon di qua diém K cb dinh.

b) Phan thuan.
Ie ME C (MCD)

I € NF c (NBD)

GoiO=CMNBN = 0OD = (MCD)N(NBD)=1¢€O0OD.

Gidi han.

Khi E chay dén C thi F chay dén B va I chay dén O.

Khi Khi E chay dén D thi F chay dén D va I chay dén D.

Phan dao.

Goi I 1 diém bat ki trén doan OD, trong (MCD) goi E = MINCD, trong (NBD) goi F = NINBD suy
ra (M NEF) la mat phang quay quanh M N cit cac canh DB, DC tai cac diém E, Fva I = MENNF.
Vay tap hop diém I 1a doan OD.

Trong (P) gQiI:MEﬂNF:>{ = 1€ (MCD)N(NBD).

JeMF C (ADB)
J e NE C (ACD)
Ma AD = (ADC) N (ADB).

Khi E chay dén C thi F chay dén B va J chay dén A.

Khi Khi E chay dén D thi F chay dén D va I chay dén D.

Tit dé ta c6 tap hop diém J 1a dudng thing AD trit cac diém trong ctia doan AD.

c) GoiJ—MFﬂNEé{ = J € (ADB) N (ACD).

@ CAU HOI TRAC NGHIEM

€) CAUHOI LY THUYET
Cau 1. Trong céc khéng dinh sau, khang dinh nao ding?
A. Qua 2 diém phan biét c6 duy nhat mot mat phing.
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B. Qua 3 diém phan biét bat ki c6 duy nhat mot miit phang.

C. Qua 3 diém khong thing hang c6 duy nhat mot mat phing.

D. Qua 4 diém phan biét bat ki ¢c6 duy nhit mot miit phang.
“Loi giai.

— Meénh dé “Qua 2 diém phan biét c6 duy nhat mot mat phang” sai. Vi qua 2 diém phan biét, tao duge
1 duong thang, khi d6 chua du diéu kien dé lap mot mat phang xac dinh. Cé vo sé mat phang di qua
2 diém da cho.

— Meénh dé “Qua 3 diém phan biét bat ki c¢6 duy nhat mot mat phing” sai. Vi trong truong hop 3 diém
phan biét thang hang thi chi tao dugc duong thiang, khi d6 c6 vo sb mit phing di qua 3 diém phan
biét thang hang.

— Menh dé “Qua 4 diém phan biét bat ki c6 duy nhat mot mat phing” sai. Vi trong truong hgp 4 diém
phan biet thing hang thi c6 vo s mat phang di qua 4 diém do6 hodc trong truong hop 4 diém miit
phang khong dong phang thi sé tao khong tao duge mat phéng nao di qua ca 4 diém.

Chon dap an @ ([

Cau 2. Trong khong gian, cho 4 diém khong ddng phang. C6 thé x4c dinh dude bao nhiéu mat phing phan
biet tit ciac diém da cho?

A. 6. B. 4. C. 3. D. 2.
“Loi giai.
V6i 3 diém phan biéet khong thing hang, ta luon tao duge 1 mat phing xac dinh. Khi dé, véi 4 diém khong
dong phéng ta tao dugc t6i da C3 = 4 mit phing.
Chon dap an 0

Cau 3. Trong mit phing (a), cho 4 diém A, B,C, D trong dé khong c¢6 3 diém nio thing hang. Diém S
khong thuoc mit phang (). C6 bao nhiéu mat phang tao bdi S va 2 trong 4 diém néi tren?

A. 4. B. 5. C. 6. D. 8.
oL giai.
Véi diém S khong thuoc mit phing (a) va 4 diém A, B, C, D thuoc mit phang (a), ta c6 C? cach chon 2
trong 4 diém A, B, C, D ciing v6i diém S lap thanh 1 mit phing xac dinh. Vay s6 mit phing tao dudc 1a 6.
Chon dap an @ ([

Cau 4. Cho 5 diém A, B,C, D, E trong d6 khong c6 4 diém nao dong phang. Hdi c6 bao nhiéu mat phing
tao bdi 3 trong 5 diém da cho?

A. 10. B. 12. C. 8. D. 14.
#Loi giai.
V6i 3 diém phan biet khong thing hang, ta luon tao duge 1 mit phing xac dinh. Ta c6 Cg cach chon 3 diém
trong 5 diém da cho dé tao dugc 1 mat phzzmg xac dinh. Vay s6 mat phéng tao dugce 1a 10.

Chon dap an @ O
Cau 5. Cac yéu t6 nao sau day xac dinh mot mit phang duy nhat?

A. Ba diém phan biét. B. Mot diém va mot duong théng.

C. Hai duong thang cit nhau. D. Bén diém phan biét.

Lo giai.

— Meénh dé “Ba diém phan biét” sai. Trong trusng hop 3 diém phan biét thing hang thi sé c6 vo s6 miit
phang chita 3 diém thing hang da cho.

— Meénh dé “Mot diém va mot duong thing” sai. Trong trudng hop diém thudc dudng thang da cho, khi
d6 ta chi c6 1 duong thang, c6 vo s6 mit phing di qua duong thing dé.

— Menh dé “Bén diém phan biét” sai. Trong truong hop 4 diém phan biét thdng hang thi c¢6 vo sd miit
phang di qua 4 diém d6 hoic trong trudng hgp 4 diém mat phing khong dong phang thi sé khong tao
duge mat phing nao di qua ca 4 diém.

Chon dap an @ O
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Cau 6. Cho tit gidc ABCD. C6 thé xac dinh duge bao nhiéu mit phang chita tat ca cac dinh ciia ti giac
ABCD?
A 1. B. 2. C. 3. D. 0.
#Lo1 giai.
4 diém A, B,C, D tao thanh 1 tit gidc, khi d6 4 diém A, B,C, D da ddng phing va tao thanh 1 mat phang
duy nhat 14 mgt phang (ABCD).
Chon dap an @ (Il
Cau 7. Trong céc khéng dinh sau, khang dinh nio ding?
A. Néu 3 diém A, B,C la 3 diém chung ciia 2 mat phang (P) va (Q) thi A, B, C thing hang.
B. Néu A, B, C thang hang va (P), (Q) c6 diém chung 1a A thi B, ciing & 2 diém chung ctia (P) va
(Q)-
C. Néu 3 diém A, B,C 1a 3 diém chung ctia 2 mit phing (P) va (Q) phan biét thi A, B, C' khong thing
hang.
D. Néu 4, B, C thing hang vi A, B 1a 2 diém chung ctia (P) va (Q) thi C ciing 1 diém chung ctia (P)
w (Q).
HLOE giai.
Hai mit phang phan biét khong song song véi nhau thi ching ¢6 duy nhit mot giao tuyén.
— Meénh dé “Néu 3 diém A, B,C la 3 diém chung clia 2 mit phang (P) va (Q) thi A, B,C thang hang”
sai. Vi:
Néu (P) va (Q) trung nhau thi 2 mit phang c¢6 vo s6 diém chung. Khi d6, chua di diéu kién dé két
luan A, B, C théng hang.

— Meénh dé “Néu A, B, C thang hang va (P), (Q) c6 diém chung 14 A thi B, C ciing I 2 diém chung ctia
(P) va (Q)” sai. Vi
C6 vo s6 duong thing di qua A, khi d6 B, C chua chic da thuoc giao tuyén ctia (P) va (Q).

— Meénh dé “Néu 3 diém A, B,C la 3 diém chung ctia 2 mat phang (P) va (Q) phan biét thi A, B,C
khong thing hang” sai. Vi:
Hai mit phang (P) va (Q) phan biét giao nhau tai 1 giao tuyén duy nhat, néu 3 diem A, B,C 1a 3
diém chung ctia 2 mit phang thi A, B, C ciing thudc giao tuyén.
Chon dap an @ O
Cau 8. Trong cac ménh dé sau day, ménh dé nao sai?
A. Hai mit phing c6 mot diém chung thi ching c6 vo s6 diém chung khac nita.
B. Hai mit phéng c6 mot diém chung thi ching c6 mot dudng théng chung duy nhat.
C. Hai miit phing phan biét c¢6 mot diém chung thi ching c6 mot dudng thang chung duy nhét.
D. Hai mit phing ciing di qua 3 diém A, B, C khong thing hang thi hai mit phing dé triing nhau.
“Loi giai.
Néu 2 mat phang trimg nhau, khi dé 2 mit phéng c6 vo s6 diém chung va chung nhau vo s6 dudng théng.
Chon dap an 0
Cau 9. Cho 3 duong thang di, ds, d3 khong cting thudoc mot mit phang va cit nhau ting doi. Khang dinh
nao sau day dang?
A. 3 duong thing trén dong quy.
B. 3 duong thang trén trimg nhau.
C. 3 duong thing trén chita 3 canh ciia mot tam giéc.
D. Céc khéng dinh ¢ A, B, C déu sai.
“Loi giai.

— Néu 3 duong thang triing nhau thi chiing sé cling thudc 1 miit phang. /

— Néu 3 duong thing trén chita 3 canh ctia mot tam giac khi d6 sé tao dugc 3
diém phan biet khong thing hang (14 3 dinh clia tam giac), ching lap thanh 1
mit phang xac dinh, 3 dudng thing sé ciing thuoc 1 mit phing. !
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Chon dap an (A) O

€> TiM GIAO TUYEN HAI MAT PHANG

Cau 10. Cho hinh chép S.ABCD c6 day la hinh thang ABCD (AB || CD). Khiang dinh nao sau day
sai?

A. Hinh chép S.ABCD c6 4 mit bén.

B. Giao tuyén ctia hai mat phang (SAC) va (SBD) 1a SO (O la giao diém ciia AC va BD).

C. Giao tuyén ciia hai mat phang (SAD) va (SBC) 1a ST (I 1a giao diém ctia AD va BC).

D. Giao tuyén ctia hai mat phing (SAB) va (SAD) la dudng trung binh ctia ABCD .
#Loi giai.

— Hinh chép S.ABCD c6 4 mat bén: (SAB), (SBC),(SCD),(SAD).

— la diém chung th@ nhat ctia hai mat phang (SAC) va (SBD).
0 € AC C (SAC) = O € (SAC)
O e BD C (SBD)= 0 € (SBD)
ctia hai mat phéng (SAC) va (SBD).
— (SAC) N (SBD) = SO.

= O la diém chung thi hai

— Tuong ty, ta c6 (SAD)N (SBC) = SI.

— (SAB)N(SAD) = SA ma SA khong phai 1a dudng trung binh ctia
hinh thang ABCD.

Vay “Giao tuyén ctia hai mat phang (SAB) va (SAD) la dudng trung
binh ciia ABC'D” 14 ménh dé sai.

Chon dap an @ ([l

Cau 11. Cho tit dien ABCD. Goi G la trong tam ctia tam giac BCD. Giao tuyén ciia mit phang (ACD)
va (GAB) I

A. AM (M la trung diém ctia AB). B. AN (N la trung diém ctia CD).
C. AH (H la hinh chiéu cia B trén CD). D. AK (K la hinh chiéu cta C trén BD).
LS giai.
A
— A la diém chung thi nhat gitta hai mat phing (ACD) va (GAB).
— Taco BGNCD =N
N € BG C (ABG) = N € (ABG)
N eCD C (ACD)= N € (ACD). B D
= N la diém chung thit hai gifta hai mat phang (ACD) va (GAB).
Vay (ABG) N (ACD) = AN.
C
Chon dap an 0

Cau 12. Cho diém A khong ndm trén mat phing (a) chita tam giac BCD. Lay E, F 1a cac diém lan lugt
nim trén cac canh AB, AC. Khi EF va BC cit nhau tai I thi I khong phéai 14 diém chung ctia hai mat
phang nao sau day?

A. (BCD) va (DEF). B. (BCD)va (ABC). C. (BCD)va (AEF). D. (BCD) va (ABD).

L1 giai.
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Diém I la giao diém ctia EF va BC,
EF C (DEF) I =(BCD)N(DEF)

ma ¢ EF C (ABC) = (I =(BCD)N(ABC).
EF C (AEF) I = (BCD) N (AEF)

Chon dap an @ O
Cau 13. Cho tit dien ABCD. Goi M, N lan lugt 1 trung diém ctia AC, C'D. Giao tuyén ctia hai mat phang
(MBD) va (ABN) I

A. duong thang MN.

B. duong thang AM.

C. dudng thing BG (G la trong tam tam gidc ACD).

D. duong thang AH (H la tryc tam tam giac ACD).
HLEH giai.

— B la diém chung thit nhat gitta hai mat phang (M BD) va (ABN).

— Vi M, N lan lugt 1a trung diém ctia AC,C'D nén suy ra AN, DM
13 hai trung tuyén ctia tam giac ACD.
, G € AN C (ABN) = G € (ABN)
Goi G =ANNDM =

G e DM ¢ (MBD) = G € (MBD)
= G 1a diém chung thit hai gifta hai mat phing (MBD) va (ABN). B v D
N
C

Vay (ABN)N (M BD) = BG.

Chon dap an @ O

Cau 14. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N lan lugt 1a trung diém AD
va BC. Giao tuyén ctia hai mat phang (SMN) va (SAC) la

A. SD. B. SO (O la tam hinh binh hanh ABCD).

C. SG (G la trung diém AB). D. SF (F la trung diém CD).
“Loi giai.

— S la diém chung thit nhat giita hai mat phing (SMN) va
(SAC).

— Go1 O = AC N BD la tam cua hinh hinh hanh.

Trong mat phang (ABCD), goi T = ACNMN

O € AC C (SAC) = 0 € (SAC)

Oe€eMNC (SMN)=0¢€ (SMN)
= O la diém chung thit hai gitta hai mat phang (SMN) va (SAC).
Vay (SMN)nN (SAC) = SO.

Chon dap an (I

Cau 15. Cho hinh chép S.ABCD c6 ddy ABC D 1a hinh binh hanh. Goi I, J lan lugt 1a trung diém SA, SB.
Khang dinh nao sau day sai?
A. IJCD la hinh thang. B. (SAB)N(IBC)=1IB.
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C. (SBD)N (JCD) = J. D. (IAC) N (JBD) = AO (O la tam ABCD).
131 giai.

— Ta ¢6 I.J la dudng trung binh cta tam gidc SAB
=I1J||AB||CD =1J | CD = 1JCD la hinh thang.

IB C (SAB)
— Ta ¢6 = (SAB)N (IBC) = IB.
IB C (IBC)
JD C (SBD
— Tac6 { (SBD) (SBD) N (JBD) = JD.

JD C (JBD)

— Trong mat phing (IJCD), goi M = IC N JD = (IAC)N
(JBD) = MO.
Chon dap an @ O

Cau 16. Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD (AD || BC). Goi M la trung diém CD.
Giao tuyén ctia hai mat phang (MSB) va (SAC) 1a

A. ST (I 1a giao diém ctia AC va BM). B. SJ (J la giao diém ctia AM va BD).

C. SO (O la giao diém ctia AC va BD). D. SP (P la giao diém ctia AB va CD).
HLOT giai.

— S 14 diém chung thit nhat giita hai mit phang (MSB) va (SAC).

(I € BM c (SBM) = I € (SBM)
— Ta co
I € (AC) e (SAC)=1¢€ (SAC)
= I la diém chung thit hai giita hai mat phing (SAC) va (SAC).

Vay (MSB) N (SAC) = SI.

Chon dap an @ O

Cau 17. Cho 4 diém khong dong phiang A, B,C, D. Goi I, K lan lugt 14 trung diém ctia AD v B. Giao
tuyén ctia (IBC) va (KAD) 1a

A IK. B. BC. C. AK. D. DK.
LS giad.
Diém K la trung diém ctia BC suy ra K € (IBC) = IK C (IBC). A

Diém I 1a trung diém ctia AD suy ra I € (KAD) = IK C (KAD).
Vay giao tuyén clia hai mit phang (IBC) va (KAD) la IK.

Chon dap an @ O

Cau 18. Cho hinh chép S.ABCD cé day ABC D la hinh thang véi . Goi la giao diém ctia AC va BD. Trén
canh SB lay diém M. Tim giao tuyén ctia hai mat phing (ADM) va (SAC).

A. SI. B. AE, E la giao diém ctia DM va ST).

C. DM. D. DE, E la giao diém ctia DM va ST).
“Loi giai.
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Ta c6 A la diém chung thit nhit ctia (ADM) va (SAC).
Trong mit phang (SBD), goi E = SI N DM. Ta co:

— E e SImaSIC (SAC) suy ra E € (SAC).
— E € DM ma DM C (ADM) suy ra E € (ADM).

Do d6 E la diém chung thit hai ctia (ADM) va (SAC).
Vay AFE la giao tuyén ctia (ADM) va (SAC).

Chon dap an O

Cau 19. Cho tt dien ABCD va diém M thudc mién trong ctia tam giac ACD. Goi I va J lan lugt 1 hai
diém trén canh BC vd BD sao cho IJ khong song song véi CD. Goi H, K lan luct la giao diém ctia I.J véi
CD ctia MH va AC. Giao tuyén ciia hai mit phang (ACD) va (IJM) 1a

A KI. B. KJ. C. MI. D. MH.
#Lo giai.
Trong mit phang (BCD),IJ cit CD tai H = H € (ACD). A

Diém H € I.J suy ra bén diém M, I, J, H dong phang.
Nén trong mit phing (IJM),
MH cat I1.J tai H va MH C (IJM).

M e (ACD
Mt khac { ACD) i c (ACD). K

H e (ACD)
Vay (ACD) N (IJM) = MH.
C B
J
D
H
Chon dap an (A) O

Cau 20. Cho bén diém A, B, C, D khong dong phing. Goi M, N lan lugt 1 trung diém ctia AC va BC.
Trén doan BD lay diém P sao cho BP = 2PD. Giao diém ctia dusng thing C'D vh mat phang (M NP) la
giao diém ctia

A. CDva NP. B. CD va MN. C. CD va MP. D. CD va AP.
“Loi giai.

— Cach 1. Xét mit phang BCD chita CD. Do NP khong song
song CD nén NP cit CD tai E. Diéem E € NP = E ¢ E
(MNP). Vay CD N (MNP) tai E.

N e BC
— Céach 2. Ta c6 = NP C (BCD) suy ra NP,CD
PeBD B f
dong phéng. Goi E la giao diém ctia NP va CD mid NP C
(MNP) suy ra CDN (MNP) = E.
. . N
Vay giao diem cia CD va (M NP) la giao diem F ctia NP va CD.
C

Chon dap an (A) O

Cau 21. Cho ttt dien ABCD. Goi E va F lan lugt 1a trung diém ctia AB va CD; G la trong tam tam giac
BCD. Giao diém ctia duong thing EG va mit phang (ACD) la

A. Diém F. B. Giao diém ctia dudong thang EG va AF.

C. Giao diém ctia dudng thing EG va AC. D. Giao diém ctia duong thang EG va CD.
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“L3i giai.

Vi G 1a trong tam tam giac BCD, F la trung diém ctia C'D

= G € (ABF).

Ta c6 FE la trung diém ctia AB

= E € (ABF).

Goi M la giao diém ctia EG va AF ma AF C (ACD) suy ra M €
(ACD).

Vay giao diém ctia EG va (ACD) 1a M = EG N AF.

Chon dap an O

Cau 22. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi M la trung diém ctia SC. Goi I
la giao diém ciia AM v6i mat phang (SBD). Ménh dé nao dusi day ding?

A. TA = —2TM. B. TA = —31M. C. TA=2IM. D. IA=2,5IM.
“L3i giai.

Goi O 13 tam hinh binh hanh ABCD suy ra O la trung diém ctia AC.
No6i AM ¢t SO tai I ma SO C (SBD) suy ra I = AM N (SBD). Tam
gidc SAC c¢6 M, O lan lugt 1a trung diém ctia SC, AC. Ma I = AM NSO

2 .
suy ra I la trong tam tam giac SAC = Al = §AM < IA =2IM. Diem
I nam gitta A va M suy ra TA = oMT = —2TM.

Chon dap an @ O

Cau 23. Cho tit gisdc ABCD c6 AC va BD giao nhau tai O va mot diém S khong thudc mit phing
(ABCD). Trén doan SC lay mot diém M khong tring v6i S va C. Giao diém clia duong thing SD v6i mat
phang (ABM) la

A. Giao diém ctia SD va AB.

B. Giao diém ctia SD va AM.

C. Giao diém ctia SD va BK (véi K = SO N AM).

D. Giao diém ctia SD va MK (v6i K = SON AM).
#Loi giai.
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— Chon mit phang phu (SBD) chtta SD.

— Tim giao tuyén ctia hai mit phang (SBD) va (ABM). Ta c6 B la
diém chung thit nhat ctia (SBD) va (ABM).

— Trong mit phang (ABCD), goi O = AC N BD. Trong mat phing
(SAC), goi K = AM N SO. Ta co:

— K € SO ma SO C (SBD) suy ra K € (SBD).
— K € AM ma AM C (ABM) suy ra K € (AMB).

Suy ra K la diém chung thtt hai cia BCD va (MNP). Do dé
(SBD) N (ABM) = BK.

— Trong mit phang (SBD), goi N = SDNBK. Ta c6: N € BK, ma
BK N (ABM) suy ra N N (ABM). Mat khac N € SD.
Vay N = SD 1 (ABM).
Chon dép 4n (C) O
Cau 24. Cho bén diém A, B, C, S khong ciing & trong mot mit phang. Goi I, H lan lugt 13 trung diém clia

SA, AB. Tren SC lay diém K sao cho I K khong song song véi AC (K khong triing véi cdc dau mit). Goi
E 1a giao diém ctia dudng thing BC véi mit phang TH K. Ménh dé nao sau day ding?

A. E nim ngoai doan BC vé phia B. B. E nim ngoai doan BC vé phia C.
C. E nam trong doan BC. D. E nam trong doan BC va E # B, E # C .
AL giai.
S
— Chon mat phang phu (ABC) chita BC.
. . K
— Tim giao tuyén cta hai mat phang (ABC) va I
(IHK). Ta c6 H la diém chung thit nhat cia
(ABC) va (IHK). Trong mat phing (SAC),
do IK khong song song v6i AC nén goi F =
IK N AC. Ta cé: F C
E
B
— F e AC ma AC C (ABC) suy ra I € (ABC).
— FelKmiIK C (IHK) suy ra F € (IHK).
Suy ra F la diém chung thit hai ctia (ABC) va (IHK). Do d6 (ABC)N (IHK) = HF.
Trong mat phang (ABC), goi E = HF N BC. Ta c6:
— Ec€HF ma HF C (IHK) suyra E € (IHK).
— F e BC.
Vay E = BCn (IHK).
Chon dap an @ O

€) THIET DIEN
Cau 25. Cho tit dien ABCD. Goi M, N lan lugt 1 trung diém cac canh AB va AC, E 1a diém tren canh
CD véi ED = 3EC. Thiét dién tao béi mit phing (M NE) va tit dien ABCD la

A. Tam giac MNE.

B. Tt gidc MNEF véi F la diém bat ki trén canh BD.
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C. Hinh binh hanh MNEF véi F la diém trén canh BD ma EF || BC.
D. Hinh thang MNEF vé6i F la diém trén canh BD ma EF || BC.
#Loi giai.
Tam giac ABC ¢6 M, N lan luct la trung diém ctia AB, AC. A
Suy ra M N la dudng trung binh cta tam gidc ABC = MN || BC.
Tit E ké duong thing d song song véi BC va cit BD tai F = EF || BC.
Do d6 M N || EF suy ra bon diém M, N, E, F dong phang va M N EF 1a hinh M
thang.
Vay hinh thang M NEF la thiét dién can tim.

Chon dap an @ O

Cau 26. Cho ttt dien ABCD. Goi H, K lan lugt 1 trung diém cac canh AB, BC. Trén duong thing C'D
lay diém M nam ngoai doan C'D. Thiét dien ciia ti dien v6i mat phang (HKM) la

A. Tu giac HKMN v6i N € AD.

B. Hinh thang HKMN v6i N € AD va HK || MN.

C. Tam giac HKL v6i L= KM N BD.

D. Tam giac HKL v6i L = HM N AD.
“Lo1 giai.
Ta c6 HK, KM 1a doan giao tuyén cta (HKM) véi (ABC) va (BCD).
Trong mat phang (BCD), do KM khong song song véi BD nén goi L =
KM nNBD.
Vay thiét dién 1 tam giac HK L.

Chon dap an @ O

Cau 27. Cho hinh chép tit giac déu S.ABCD c6 canh day bang a (a > 0). Cac diém M, N, P lan lugt 1a
trung diém ctia SA, SB, SC. Mit phing (M N P) cat hinh chép theo mot thiét dien c6 dien tich bing

2 2 2

A. a2 B. L. c. L. D. L.

2 4 16
HLS giai.
Goi Q 13 trung diém ctia SD. IS
Tam gidgc SAD c6 M,Q lan lugt 1a trung diém ctia SA, SD suy
ra MQ || AD.
Tam gidc SBC c¢6 N, P lan lugt 13 trung diém ctia SB, SC suy ra
NP | BC.
Mit khac AD || BC suy ra MQ | NP va MQ = NP = MNPQ
la hinh vuéng.
Khi d6 M,N,P,Q dong phing = (MNP) cit SD tai Q va
M N PQ 1a thiét dién cta hinh chép S.ABCD véi (M N P).
Vay dién tich hinh vuéng M N PQ 1a

g _ Sapep _ d?
MNPQ =~ = -

Chon dap an @ O
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Cau 28. Cho tit dien déu ABCD c6 canh bing a. Goi G 1a trong tam tam giac ABC. Mt phéang (GC D)
cat t dién theo mot thiét dien c6 dien tich 1a

2 2 2 2
A B3 B, ©V2 c. V2 . ©V3
2 4 6 4
HLSH giai.
Goi M, N lan lugt 1a trung diém ctia AB, BC suy ra AN N MC = G. A

Dé thay mit phiang (GCD) cit dudng thing AB tai diém M.
Suy ra tam gidc MCD la thiét dign ctia mat phang (GCD) va tt dign
ABCD.

/3

M
Tam giac ABD déu, c6 M la trung diém AB suy ra MD = a2
iy L . av/3
Tam giac ABC deéu, ¢6 M la trung diem AB suy ra MC' = ——.
2 B D
H
C

Goi H la trung diém ctia CD
1
:>MHJ_CD:>SAMCD:*-MH~CD

D2 2
Voi MH — MO —HC? — | mc? - € i
1 a\f a2\/2
Vay Samcp = 3 3 =~
Chon dap an O

Cau 29. Cho tit dien déu ABCD c6 do dai cac canh bang 2a. Goi M, N lan lugt 1a trung diém cac canh
AC, BC, P la trong tam tam gidc BC'D. Mit phing (M N P) cit tit dién theo mot thiét dien c6 dien tich
la

2 17 2 2 17 2
A VI B, ©V2 c. “vi . ©V3
2 4 4 4
#Loi giai.
Trong tam gidc BCD c6: P la trong tam, N la trung diém BC. Suy ra A
N, P, D thing hang. Vay thiét dién la tam giac M ND.
AB AD

Xét tam giac MND, ta c6 MN = — - =a; DM = DN = \/32

av/3.
Do dé tam giac M N D can tai D.
Goi H la trung diém MN suy ra DH 1 M N

Di.én tich tam giac B D
1 1 a’V/11
S =_-MN-DH=-MN - -\DM? -MH? = ——,
AMND = 5 5 1 N
C

Chon dap an @ O

€) BA DIEM THANG HANG, BA DUONG THANG DONG QUY

Cau 30. Cho tit dien ABCD. Goi M, N lan lugt 1 trung diém ctia AB va CD. Mat phang (o) qua M N
cit AD, BC lan lugt tai P va Q. Biét M P cit NQ tai I. Ba diém ndo sau day thang hang?

A. 1,A,C . B. I,B,D. C. I,A,B. D. I,C,D.
&L giai.
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Ta ¢ (ABD) n (BCD) = BD. Lai c¢6
I € MP C (ABD)
I e NQC(BCD)

= I thuoc giao tuyén ciua (ABC) va (BCD)

= I € BD = I, B, D thang hang.

Chon dap an O
Cau 31. Cho tit dien SABC. Goi L, M, N lan lugt la cac diém trén céc canh SA, SB vi AC sao cho LM
khong song song véi AB, LN khong song song véi SC. Mit phang (LM N) cit cac canh AB, BC, SC lan
lugt tai K, I,.J. Ba diém nao sau day thang hang?
A K, I,J. B. M,I,J. C. N, I,J. D. M\K,J .

#Lo1 giai.
Ta c6

— M € SB suy M la diém chung ctia (LM N) va (SBC).

— I 1a diém chung ctia (LM N) va (SBC).

— J la diém chung ctia (LM N) va (SBC).

Vay M, I,J thing hang vi ciing thudc giao tuyén ctia (LM N) va
(SBC).

Chon dap an 0

Cau 32. Cho ttt dien ABCD. Goi G la trong tam tam gidc BCD, M la trung diém CD, I 1a diém & trén
doan thing AG, BI cat mit phing (ACD) tai J. Khing dinh nao sau day sai?
A. AM = (ACD) N (ABG). B. A, J, M thing hang.
C. J la trung diém ctia AM. D. DJ = (ACD)n (BDJ).
S giai.
Ta c6 A la diém chung thit nhit gitta hai mat phang (ACD) va (GAB).
M € BG C (ABG) = M € (ABG)
M eCD c (ACD) = M € (ACD)
= M la diém chung tht hai giita hai mat phang (ABG) va (ACD)
= (ABG)N (ACD) = AM.
BI C (ABG)
Taco { AM C (ABM) = AM, BI dong phang.
(ABG) = (ABM)
= J=BINAM = A,J, M thang hang.

DoBGﬂCD:M:>{

| DJ C(ACD) - : . i
Ta ¢6 = DJ = (ACD)N (BDJ). Diem I di dong trén AG nén J c6 the khong phéi 1a

DJ c (BDJ)
trung diém ctia AM.

Chon dép 4n (C) O
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Cau 33. Cho tit dien ABCD. Goi E, F,G 1a cac diém lan luot thudc cac canh AB, AC, BD sao cho EF
cit BC tai I, EG cit AD tai H. Ba duong thing nao sau day dong quy?

A. CD,EF, EG. B. CD,IG, HF. C. AB,IG, HF. D. AC,IG, BD.
HLS giad.
Phuong phap: Dé chiitng minh ba dudng thang dy, da, d3 ddng
quy ta ching minh giao diém ctia hai duong thang d; va do
la diém chung ctia hai mit phang () va (3); dong thoi ds
la giao tuyén (a) va ().
Goi O = HF NIG. Ta co:

— O€ HF ma HF C (ACD) suy ra O € (ACD).
— O €IGmalGC (BCD)suyraO € (BCD,).

Do d6 O € (ACD) N (BCD) (1).
Ma (ACD) N (BCD) = CD (2). Tit (1) va (2), suy ra O €
CD.

Vay ba duong thing CD, IG, HF dong quy.

Chon dap an O

Cau 34. Cho hinh chép S.ABCD c6 day ABCD khong phai la hinh thang. Trén canh SC lay diém . Goi
la giao diém ciia duong thing SD véi mat phang . Ménh dé nao sau day diang?

A. Ba duong théng AB,CD, MN doi mot song song.

B. Ba duong thang AB,CD, MN doi mot cit nhau.

C. Ba duong thing AB,CD, MN ddng quy.

D. Ba duong thing AB,CD, MN cung thuoc mot mit phang.
Lo giai.
Goi I = AD N BC. Trong mit phing (SBC), goi S
K = BM N SI. Trong mat phing (SAD), goi N =
AKNSD.
Khi d6 N la giao diém ctia dudng thing SD vé6i miit
phéng (AMB). Goi O = ABN CD. Ta cé:

— Oc€ ABma AB C (AMB)suyraO € (AMB).
— 0€CDmaCD C (SCD) suy ra O € (SCD,).

)
Do d6 O € (AMB) N (SCD) (1).
Ma (AMB) N (SCD) = MN (2).
T (1) va (2), suy ra O € MN.
Vay ba duong thing AB,CD, MN dong quy.

Chon dap an @ O

Cau 35. Khi cit hinh chép tit gidc S.ABCD bdi mot mit phang, thiét dien khong thé 14 hinh nao?
A. Ngu giac. B. Luc giac. C. Tam giac. D. Tu giac.

L1 giai.
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Ta ¢6 hinh chép t@ giac S.ABCD gom 5 mat lan lugt 1a (SAB), (SBC), g
(SCD), (SAD) va (ABCD) nén thiét dien 1a ti gidc c6 t6i da 5 canh. Do d6
thiét dién khong thé 14 hinh luc giac.

Chon dap an U

Cau 36. Cho hai duong thing a va b. Diéu kién nao sau day dua dé két luan a va b chéo nhau?
A. @ va b khong cling nidm trén bat ki mat phéng nao.
B. a va b khong c6 diém chung.
C. a va b la hai canh ctia mot t& dién.
D. @ va b nim trén hai mit phing phan biét.
# Lo giai.
a va b khong cling ndm trén bat ki mit phing nao thi a va b 13 hai duong thang chéo nhau.
Chon dap an @ [l

Cau 37. Tt dien ABCD c6 bao nhiéu canh?
A 4. B. 6. C. 8. D. 3.
SL3I giai.
Ta thay t dien ABCD c6 6 canh. A

Chon dap an 0

Cau 38. Trong cac ménh dé sau, ménh dé ndo dang?
A. Hai duong thang khong c6 diém chung thi chéo nhau.
B. Hai dudng thang chéo nhau thi khong c6 diém chung.
C. Hai duong thing khong song song thi chéo nhau.
D. Hai dudng thiang khong cit nhau va khong song song thi chéo nhau.
“Loi giai.
Hai dudong thing khong cé diém chung thi chéo nhau hoic song song.
Hai dudong théng khong song song thi chéo nhau hodc cit nhau hoiic triing nhau.
Hai duong thing khong cit nhau va khong song song thi chéo nhau hoiic triing nhau.
Hai dudong théng chéo nhau thi khong c6 diém chung la cau dang.
Chon dap an @ ([

Cau 39. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Cac diém E va F lan lugt 1 trung diém ctia C'B’
va C'D'. Tinh dién tich thiét dien ciia khoi lap phuong cit bdi mit phiang (AEF).
2 2 2 2
A 7a2j4/ﬁ. B. ° ;{/ﬁ‘ c. ’ gﬁ D. 7“1‘2/ﬁ.

L1 giai.
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Thiét dién ctia hinh lap phuong cit bdi miat phéng
(AEF) la nga giac AKEFH.
Ta chia ngii gidc AK EFH thanh hai phan: hinh thang
can FFHK day EF va tam giac AHK can tai A.
Khi d6 Saxkeru = SeFuk + Saank-
Vi AJD'H ~ ANADH (g — g)

D'H DJ 1
= = =z,

DH DA1 2 )
Suy ra D'H = §DD/ = 3¢

— Tinh dién tich AAHK.

4a®  13a® V13
Xét AADH vuong tai D, ta c6 AH? = AD? + DH? = a® + % - ga - AH =2 -
Ta c6 HK = B'D' = av/?2.
AH + AK + HK 213 4+ 3v2
Do dé ntta chu vi AAHK lap= + 5 i = 6+ \[
. a’V/17
Khi d6 Spankx = /p(p — AH)(p— AK)(p — HK) = e
— Tinh dién tich hinh thang FFHK.
1 2
Ké FM L HK. Ta c6 EF = SB'D' = “\2[
1 1 P P
Do EFHK I hinh thang can nen HM = -(HK — EF) = <af - % - a{.
2 42 13a2
Xét AHD'F vuong tai D', ta c6 HF? = HD”? + D'F? = 5 + 1= 36
13>  a® 1742 V34
Xét AFMH vuong tai M, ta c6 FM? = FH? — MH? = 3‘6‘ - % - 7;‘ — FM = “12

(a\/§ + a\@) av3

) FM - (EF + HK) 2 12 a?\/17
Vay Seruk = 5 = 5 =~

a?\/17 n a?\/17 _ 70?17

Vay dién tich cia ngt giac AKEFH 1a Saxprig = Saank + SEFHK =

8 6 24
Chon dap an @ ([l
Cau 40.
Cho tit dien déu ABCD c6 canh bang 2. Goi G 1a trong tam tam giac ABC. D
C4t t1t dién bdi mat phang (GCD). Tinh dién tich ctia thiét dién.
22
A V3. B. 2V/3. C. V2. D. *3[
A C
B

L1 giai.
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Thiét dign ctia hinh chép tao bdi mit phiang (GCD) 1a ANCD. D
AB
C6 AM = CN = 2\/32\/5.
= AG = gAM = %
3 3
2
Xét ADGA vuong tai G c6: DG = VDA% — AG? = \3/6 A c
1
Neén Saycp = =DG - CN = /2.
2 N M
B
Chon dap an @ O

Cau 41. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N, P lan luct 13 trung diém
ctia BC,CD, SA. Mt phang (M N P) céat hinh chép S.ABCD theo thiét dién 1a

A. Tam giac. B. Luc giac. C. Ngi giac. D. Tu giac.
#Loi giai.
Goi I, J la giao ctia dudng thing M N va AB, AD.
Goi F la giao diém ctia duong thing SB va PI.
Goi E la giao diém ctia duong thing SD va PJ.
Khi d6 thiét dien ctia hinh chép S.ABCD cat bdéi mat
phéng (M N P) 1a ngii gisc MNEPF.

Chon dap an @ O

Cau 42. Hay chon ménh dé dang trong cac ménh dé sau.
A. Néu mot mat phang ciat mot trong hai duong thang song song thi mit phing dé sé cit duong thing
con lai.
B. Hai mat phang lan lugt di qua hai dudng thing song song thi cit nhau theo mot giao tuyén song song
v6i mot trong hai dudng thing do.
C. Néu mot duong thing cdt mot trong hai duong thing song song thi duong thing d6 sé cit duong
théng con lai.
D. Hai mit phing c6 mot diém chung thi cit nhau theo mot giao tuyén di qua diém chung do.
LS giai.
Ta c6 tinh chat sau: Néu mot mit phing cit mot trong hai dudng thang song song thi miit phang dé sé cat
dudng thing con lai.
Chon dap an @ ([
Cau 43. Cho hai dudng thing phan biét a; b vA mat phang («). Hay chon ménh dé ding trong cic ménh
dé sau
A. Néual (o) vab| () thia| b. B. Néual (o) va b L () thia L b.
C. Néua || (o) vab Lathib L («). D. Néual (o) vab L athib| (a).
£L3H gidi.
- Véi {Z |" ((z)) thi a chua chic song song véi b, vi khi a, b cing nim trong mot mit phing thi ching c6 thé

cat nhau = dap an sai.

al (« , . .
- Véi {b ) thi b chua chéc vudng goc véi («), vi khi b cing nam trong mot mat phang véi a thi b || («)
a

= dap an sai.

bla
= dap an sai.

a « . 2 s 2
- Véi { I {a) thi b chua chac song song véi (a), vi b ¢6 thé nam trong mit phing («)
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L (a)
Chon dap an O
Cau 44. Cho hinh chép tam gidgc S.ABC c6 tat ci cac canh bing a. Goi I, J lan lugt 1a trung diém ciia

CA, CB. K la diém trén canh SA sao cho KA = 2K S. Thiét dién ctia mat phang (IJK) v6i hinh chép c6
dién tich la

. Jall (@) P
- Vé6i b = a 1 b= dap an ding.

2 2 2./ 2
Al \/‘ﬁ. B. \/ﬁ. c. 2 Vol D ¢ */ﬁ.
144 288 144 288
“LE1 giai.
S
K
A C
J
B
Thiét dién 13 hinh thang can IJHK c6
— Day lon IJ = g
——D%mméHKzg.
o 2 2 2 o 130’
— Canh bén HJ* = BH* + BJ* —2BH - BJ - cos60° = 36 "
IJ—HK\? 13a® a2 5la? av/51
_ Chié 2—H2—<>— _ @ _ Vsl
Chicu cao h J 2 36 a1 T

(HK +1J)h _ 5a*/51
2 144
Chon dap an @ O

Cau 45. Cho hinh chép S.ABCD cé ddy ABCD la hinh binh hanh. Goi M, N, P lan lugt 1a trung diém
ctia BC, CD, SA. Mat phang (M N P) cit hinh chép theo thiét dien 1a hinh

A. Tam giac. B. Luc giac. C. Ngi giac. D. Tu giac.
“Lo1 giai.
Goi I, J lan lugt 1a giao ctia dudng thing M N va AB,
AD.
Goi F=SBNPI; E=SDNPJ.
Khi d6 thiét dién ctia hinh chép cit bdi mit phing
(MNP) la ngt gihc MNEPF.

Vay dién tich thiét dien 1a S =

Chon dap an @ O
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Cau 46. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh ABCD. Giao tuyén clia hai mat phing (SAD)
va (SBC) la duong thing song song véi dusng thing nao sau day?

A. AC. B. BD. C. AD. D. SC.
“L3i giai.

Do BC || AD nén giao tuyén ctia hai mat phing (SAD) va
(SBC) 1a mot dusng thang di qua diém S va song song vdi
AD.

Chon dap an @ O

Cau 47. Cho hinh chép S.ABCD cé day 1a hinh binh hanh. Goi M, N lan lugt la trung diém ctia AD va
BC. Giao tuyén ctia (SMN) va (SAC) la:

A. SK (K la trung diém ctia AB). B. SO (O la tam ctua hinh binh hanh ABCD).
C. SF (F la trung diém ctia CD). D. SD.

#Lo1 giai.

Taco S e (SMN)N(SAC). (1)

Trong mat phiang (ABCD), goi O = ACN BD. Suy ra O la diém chung

thit hai ctia hai mat phéng (SMN) va (SAQC). (2)

Tit (1) v (2) suy ra SO la giao tuyén ctia hai mit phing (SMN) va
(SAC).

Chon dap an 0

Cau 48. Cho tit dien ABCD. Goi M, N lan lugt la trung diém céc canh AD, BC; G la trong tam clia
ABCD. Khi dé, giao diém clia dudng thang MG va mp (ABCO) la

A. Diém A.

B. Giao diém ctia dudng thing MG va dudsng thang AN.

C. Diém N.

D. Giao diém ctia dudng thing MG va duong thing BC.
“Loi giai.
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Trong mit phang (AND): AN N MG = E.

E € AN,AN C (ABC) = E € (ABC).

E e MG.

= FE=MGnN(ABC).

Vay giao diém ctia duong thang MG va mit phang (ABC) 1a
E, (E=ANNMG).

Chon dap an O

Cau 49. Cho hinh chép S.ABC c¢6 day la tam gidc ABC thdéa mén AB = AC = 4, BAC = 30°. Mt
phing (P) song song véi (ABC) cit doan thing SA tai M sao cho SM = 2M A. Dién tich thiét dién ciia
(P) va hinh ch6pS.ABC béang

25 14 16
A —. B. —. C. —. D. 1.
9 9 9
#L31 giai.
Qua M dyng mat phang song song v6i (ABC) cit SB, SC tai N, P. IS

Kh‘d’MN——SM—gTu’o tut ’—P—E—MP—E
VAR T A 3 RO e Ty uc T
NABC va AMN P dong dang v6i ti so

2 4 4 1 16 M P
3 6 9 2 9
A C
B
Chon dép an (C) O
Cau 50. Hinh chép tam giac c6 s6 canh 13
A. 3. B. 6. C. 4 D. 5.
#Loi giai.
Xét hinh chép tam giac S.ABC c6 cac canh la SA, SB, SC, AB, BC va CA. Vay S
hinh chép c6 s6 canh 13 6.
A C
B
Chon dap an O

Cau 51. Hinh chép tit gidc c¢6 tat cd bao nhiéu canh?
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A. 8. B. 12. C. 20. D. 6.
“LGI giai.
Hinh chép tit gidc ¢6 4 canh bén va 4 canh day nén cé 8 canh.

Chon dap an (A) O

Cau 52. Hinh chép tam gidc c6 s6 canh 1a

A. 3. B. 6. C. 4. D. 5.
#“Lai giai.
Xét hinh chép tam giac S.ABC c6 cac canh la SA, SB, SC, AB, BC va CA. Vay I

hinh chép ¢6 s6 canh 13 6.

Chon dap an O

Cau 53. Hinh choép tit gidc c¢6 tat cad bao nhiéu canh?

A. 8. B. 12. C. 20. D. 6.
“ LG giai.
Hinh chép tit gidc ¢6 4 canh bén va 4 canh day nén cé 8 canh.

Chon dap an (A) O

Cau 54. Cho ti dien S.ABC. Trén céc canh SA, SB, AC lan luct 1ay cac diém D, E, F sao cho DE va AB
khong song song. Tim giao diém M ctia BC va (DEF).

A. M véi M=DFnBC. B. M vé6i M =DEnNBC.
C. Mv6iM =NFNBC,N=DENAB. D. M v6i M = EF N BC.
“Loi giai.
Do DFE khong song song AB néen DENAB = N =
N € (DEF).
MeNF
M € BC
Mit khac NF C (DEF) (2)
Tu (1) va (2) suy ra M = BC N (DEF) v6i M =
NFNBC,N=DENAB.

GQiM:NFﬂBC:{ (1).

Chon dap an @ O

Cau 55. Cho hinh chép tam gide S.ABC ¢6 SA=1,5B =2,5C = 3. Goi G la trong tam tam gidc ABC.
Mit phang (P) di qua trung diém ctia SG cit cac canh SA, SB, SC lan lugt tai A, B’,C’. Tinh gia tri nhd

£ .2 . 1 1 1
nhat ctia bieu thic T = A2 + 57 + So
1 4
18 7 36

L1 giad.
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Goi M la trung diém ctia BC va M’ = SM N (P),
S .. SB SC SM
Ta di ching minh B + o 2SM" 7
Dung BE | CF || B'C' = M 1a trung diém ctia EF.
Kniag 5B _ SE SC_SF
SB~ SM' 8¢ T SMT
SB SC SE+SF SM
= + = =2 :
SB"  SC' SM’ SM’
_SA  25M  3SG

Mot cach tuong ;LI ap d;mg vz(;;am giac SAM ta cé ST + ST T

1 e T 1s .2
S 4 5 + SO = a7 = 6 (v6i I 1a trung diem SG).

Khi do

1 1 1

1 1 1 36 18
Tacé36§(1+22+32)< +

> — = —,
tsprTser <11 7

sA? Topr T SC’Q) = SA?

Chon dép 4n (C) O

Cau 56. Khoi lang tru bat giac c6 tat ca bao nhiéu dinh?
A. 8. B. 16. C. 24. D. 12.
LS giai.

Khoi lang tru bat giac c6 16 dinh.

Chon dap an ([
Cau 57. Cho hinh chép S.ABCD c6é day la hinh binh hanh. Goi M, N lan lugt la trung diém ctia AB,
AD va G la trong tam tam gidc SBD. Mat phang (M NG) cat SC tai diem H. Tinh g—o
A 2 B. L. c. L. D. 2.
5 4 3 3
“Lo1 giai.
Goi O la tam hinh binh hanh ABCD, I la giao diém ctia M N
va AC.
. . . HelGcC (MNG)
Ta ¢6 IG cat SC tai H khi dé = H =
HeSC
SCN(MNG).
Xét tam giac SOC c6 I, G, H thang hang suy ra theo dinh Iy
Menelaus ta dug 10 G5 H—C—l
enelaus ta duge —~ - =5 - 7= =1.
L0 _1Gs D) UV e 3 sH 2
ic 3 cgc W ES T2 W ec T
D
Chon dap én (A) O

Cau 58. Cho hinh chép S.ABC ¢6 SA = SB = a,SC = 3a, ASB = CSB = 60°, CSA = 90°. Goi G Ia
trong tam tam giac ABC. Tinh do dai doan thing SG.

a\/g av'15 a7
A —. B. . CcC. —. D. 3.
3 3 3 av'3
L1 giai.
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Tam giac SAB déu nén AB = a, tam gidac SAC vuong tai S nén
AC = a/10.

Ap dung dinh 1y ham s6 cos vao tam gidc SBC tinh duge BC' = av/7.
AC af

Goi M la trung diém AC, ta c6 SM = - =

Xét AABC BM_;/6:>BG_3BM_ \:(

Xét ASBM : SB? + BM? = SM? nén tam giac SBM vuong tai B.
Xét ASBG :

2
SG? = SB? + BG? = +2‘;:5‘;;»SG:C“§B.

Chon dap an O

Cau 59. Cho hinh chép S.ABCD c6 day la hinh binh hanh. M, N lan lugt 1a trung diém ctia AB,SC. I
, , . IB
la giao diem ctia AN véi (SBD), J giao diem cua M N vé6i (SBD). Tinh ti s6 17

A. 4. B. 3. C.
#Lo1 giai.
Goi O = ACNBD, SONAN =1. Suyral =
AN N (SBD). Trong mit phang (ABN), goi BI N
MN = J hay MN N (SBD) = J.
Xét tam giac SAC c6 AN, SO la cac trung tuyén

NN
—_
—_

2
én I 13 am ct iac SAC hay —— = —
nén [ la trong tam ciia tam gidac SAC hay AN 3
. Ap dung dinh 1y Menelaus cho tam giac IAB
NI MA JB
\idl 1]\4JJBN thang hj;g NA MBI 57 =1«
gIWZIhayf—?)suyraﬁ:él
Chon dap an @ O
Cau 60. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M la trung diém SD, N la trong tam
. . . . . IN
giac SAB. Duong thang M N cat mat phang (SBC) tai diem I. Tinh ti s6 M
1 1 2
A. § B. -. C. -. D. —.
4 3 2 3

“Loi giad.

Goi E la trung diém ctia AB va F la giao diém ctia DE véi
BC. Khi d6 (SDE)N (SBC) = SF.

Trong tam giac FFCD c¢6 EB la duong trung binh nén F la

trung diem DF. Khi d6 trong tam giac SDF c6 FM,SE la

FN
trung tuyén va —— (trong tam giac SAB) nén Vol =

SE 3
2

3
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. IN 2

Mat khac, theo trén thi I la giao diem ctia M N véi (SBC) nén I sé trung véi F', hay yivAnEE
Chon dap an @ O
Cau 61. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat tam O, diém M nim trén canh SB sao

]. 2 2 2 S 2

cho SM = §SB‘ Giao diem cia dudng thiang SD va mat phang (M AC) nam trén duong thang nao sau
day?

A. Duong thing MC.  B. Duong thing MO. C. Duong thing MA. D. Duong thing AC.
“Loi giai.
Trong (SBD) goi I = SDNOM.
Khi do, I = SD N (AMC).

Chon dap an O

Cau 62. Cho tt dien ABCD. Goi G la trong tam tam giac BCD, M la trung diém CD, T 1a diém & trén
doan thing AG. Dudng thing BI cit mit phang (ACD) tai J. Khédng dinh nio sau day sai?

A. AM = (ACD) N (ABG). B. A, J, M thing hang.

C. DJ = (ACD)n (BDJ). D. J la trung diém ctia AM.
LS gii.
Trong mit phang (AM B) ndi BI cit AM tai J = J = BI N (ACD). A

J 1a trung diém ctia AM 1a khing dinh sai.
That vay gia st J 1 trung diém AM. Goi N la trung diém BM , K 1a
trung diém JM, KN cit AG tai H

Khi d6 AJ = ;AK:IH: %AI.

GN 1 1
Cong Vf% ta dugce ZGI = §AI = el £ B
Do I bat ki trén AG nén khang dinh trén sai.
M
C
Chon dap an @ O

Cau 63. Cho tit dien ABCD va M, N, P lan lugt ndm trén cac canh AB, AC, AD ma khong tring véi cac
dinh ciia t dieén. Thiét dién ctia ti dien ABCD khi cit béi mat phang MNP la:
A. Mot tam giéc. B. Mot ngi giac. C. Mot doan thing. D. Mot tu giac.
# Lo giai.
Thiét dién clia ti dien ABCD khi cit béi mit phang (M NP) la tam gidc AMNP
Chon dap an (A) O

Cau 64. Cho hinh ling tru ABC.A’B’'C’. C4t hinh ling tru béi mot mit phang ta duge mot thiét dien. S6
canh 16n nhat ctia thiét dién thu dugce la bao nhieu?

A. 5. B. 4. C. 3. D. 6.
AL giai.
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Lang tru da cho c6 tat cd 5 mit nén s6 canh clia thiét dien C
khong qua 5.

Goi M, N, R lan luot 1a cac diém trén canh BC, AB, B'C’
sao cho 3MB = MC, NA = NB, 3PC’ = PB’. Khi d6 thiét
dién clia ling tru ABC.A’B'C’ cit bdi mat phang (M NP)
la hinh ngti gidc M N PQR.

Chon dap an @ ([l

Cau 65. Cho hinh chép S.ABCD c6 day la hinh binh hanh tam O. Goi M, N, P lan lugt la trung diém
. . KS

cia SB,SD,0C. Goi giao diem ctia (M NP) véi SA la K. Ti so KA la

A2 B. L c. b D L

5 3 4 2
“ Lo giai.
Trong (SBD) c6 MN NSO = H.
Trong (SAC) c6 PHNSA =K.
= (MNP)NSA tai K.
Ta c6 MN la dudng trung binh cia tam giac SBD nén H la
trung diém SO = PH la dudng trung binh ctia tam gidc SOC
KS PC 1

:>PK||SC:>ﬂ_ﬂ_§.

Chon dap an O

Cau 66. Cho hinh hop ABCD.A'B'C'D’, goi M 1a trung diém CD, (P) la mit phang di qua M vi song
song v6i B'D va CD'. Thiét dién ctia hinh hop cit bsi mat phang (P) 1 hinh gi?

A. Ngi giac. B. Tu giac. C. Tam giac. D. Luc giac.
#L31 giai.
Trong (CDD'C’), ké dudng thang qua M song
song CD’' cat DD',C'D’ tai E, F.
Trong (CDA'B'), ké dudng thing qua M song
song B'D cat B'C,A’B’ tai H, K.
Trong (A'B'C'D’), KF cat B'C', A'D’ tai I, J.
Trong (BCC'B’), IH cat BC tai G.
Thiét dien 1a ngi giac MEJIG

Chon dap an @ O
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Cau 67. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh, I 1 trung diém ctia SA. Thiét dien
ctia hinh chép S.ABCD cét bsi mat phiang (IBC) 1a
A. Tam gidc IBC. B. Hinh thang IJBC (J la trung diém ctia SD).

C. Hinh thang IGBC (G la trung diém ctia SB). D. Tt giac IBCD.
“Loi giai.

B C

Ta c¢6 IJ || AD || BC suy ra bén diém B, C, J, I cing nim trén mit phiang I BC. Thiét dien la hinh thang
1JBC.
Chon dap an @ ([

Cau 68. Cho hinh chép S.ABCD cé ddy ABCD la hinh binh hanh. Goi M, N va P lan lugt 1a trung diém
clia cac canh SA, BC, CD. Héi thiét dien ctia hinh chép cit béi mat phing (M NP) I hinh gi?

A. Hinh ngi giac. B. Hinh tam giac. C. Hinh t giac. D. Hinh binh hanh.
“LoI giai.
Trong (ABCD), goi K, I lan lugt 1a giao diém ctia
NP v6i AB va AD.
Trong (ABS), goi R la giao diém ctia MK véi SB.
Trong (SAD), goi Q 1a giao diém ctia M I véi SD.
Thiét dién tao bdi (M N P) cat hinh chép 1a ngi
gidgc MQPNR.

Chon dap an @ O

Cau 69. Hinh choép tit gidc c6 s6 canh 1a
A. 6. B. 8. C. 4 D. 12.
“Lo1 giai.
S6 canh ctia hinh chép c6 déay 1a da giac n dinh 1a 2n canh.
Nén hinh chép ti giac c6 8 canh.
Chon dap an @ ([

Cau 70. Khi cit hinh chop tit giac S.ABCD béi mot mit phang, thiét dien khong thé 13 hinh nao?
A. Ngu giac. B. Luc giac. C. Tam giac. D. Tu giac.
Lol giai.
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Ta ¢6 hinh chép t@ giac S.ABCD gom 5 mat lan lugt 1a (SAB), (SBC), g
(SCD), (SAD) va (ABCD) nén thiét dien 1a ti gidc c6 t6i da 5 canh. Do d6
thiét dién khong thé 14 hinh luc giac.

Chon dap an 0

Cau 71. Cho hai duong théng a va b. Diéu kién nao sau day di dé két luan a va b chéo nhau?
A. @ va b khong ciing nim trén bat ki mat phéng nao.
B. a va b khong c6 diém chung.
C. a va b 1a hai canh ctia mot t@ dién.
D. @ va b nim trén hai mit phing phan biét.
“Lo1 giai.
a va b khong cling nim trén bat ki mit phing nao thi a va b 13 hai dudng thang chéo nhau.
Chon dap an (A) O

Cau 72. Thiét dién ctia t& dien ABCD cat bsi mat phiang (P) 1a mot hinh chit nhat. Ménh dé nao sau
day 1a4 ménh dé dung ?

A. Tt dien la mot t dien deu.

B. Tt dién c6 bén dudng cao dong quy.

C. Ba canh cua t@ dién cung chung mot dinh nao dé vuong géc timg doéi mot.

D. Mot cap canh déi dién ndo d6 ciia t¢ dién phai vuong goc.
HLS giai.
Khong lam mét tinh tdng quat, gid st (P) N (BCD) = MN; (P) N
(ABD) = NP; (P) N (ACD) = PQ va (P) N (ABC) = MQ. Thiét dien
clia tit dien ABCD cit béi mat phang (P) 1a hinh chit nhat M N PQ, suy
ra MN || PQ.
Vi (P) N (BCD) = MN; (P) N (ACD) = PQ; (ACD) N (BCD) = CD
ma M N || PQ nén suy ra CD | MN || PQ. (1)
Ching minh tuong ty, ta suy ra AB || MQ || PN. (2)
Mat khac, do M NPQ la hinh ch@ nhat nén M@Q L MN nén tir (1) va
(2) = MQ L CD = CD L AB.

Lo . 2 . . ~ ~ 2 ~ z Zy* A
Vay hai canh d6i dién cta t@ dién 14 C'D va AB phéi vuodng gbéc v6i nhau.

Chon dap an @ ([l

Cau 73. Trong khong gian cho bén diém khong dong phang. C6 thé xac dinh duge bao nhiéu mit phing
phan biét tit cac diém da cho?
A. 6. B. 4. C. 3. D. 2.
#L37 gidi.
Vi 4 diém khong dong phang tao thanh mot ti dién ma ti dién c6 4 mat
Chon dap an (I

Cau 74. Cho hai duong thing a va b. Diéu kién nao sau day di dé két luan a va b chéo nhau?
A. a va b khong nim trén bat ki mat phéng ndo. B. a va b khong c¢6 diém chung..
C. a va b la hai canh cia mot t@ dién.. D. a va b ndm trén hai mat phang phan biét.
AL giai.
B sai vi a va b ¢6 thé song song.
C sai vi a va b c6 thé cit nhau.
D sai vi a va b c6 thé song song.
Chon dap an @ O
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Cau 75. Cho hinh chép S.ABCD c6 ABCD la hinh thang can ddy 16n AD. Goi M, lan lugt 1a hai trung
diém ctia AB, CD. Goi (P) la mit phing di qua M N va ciat mat bén (SBC) theo mot giao tuyén. Thiét
dién ctia (P) va hinh chép 1a

A. Hinh binh hanh. B. Hinh chit nhat. C. Hinh thang. D. Hinh vuéng.
&LG1 gidi.
Gia st mat phang (P) cat (SBC) theo giao tuyén PQ. g

Khi d6 do M N || BC nén theo dinh Iy ba giao tuyén song song hoac dong
quy ap dung cho ba mat phang (P); (SBC); (ABCD) thi ta dudc ba giao
tuyén M N; BC; PQ doi mot song song.

Do d6 thiét dién 1a mot hinh thang.

Chon dap an @ O

Cau 76. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Giao tuyén cia (SAB) va (SCD)
la:

A. Duong SO vé6i O la tam hinh binh hanh. B. Dudng thing qua S va cit AB.

C. Duong thang qua S vi song song v6i AD. D. Dudng thing qua S va song song véi CD.
“LoI giai.
Xét hai mit phiang (SAB) va (SCD), ta co: g

S € (SAB) N (SCD)
AB C (SAB)

CD cC (SCD)

AB | CD

= (SAB)N (SCD) = Sz || AB || CD.

D C
Chon dap an @ ([

Cau 77. Trong khong gian cho ba hinh duéi, hinh nao 1a hinh biéu dién ctia mot hinh t@ dien?

(Hn)

(Hs)

A. Khong c6 hinh nao. B. Chi ¢6 hinh (Hy).
C. Chf ¢6 hinh (Hl), (HQ) D. Cé ba hinh (Hl), (HQ), (Hg)
#Loi giai.
Chon dap an @ O

Cau 78. Trong khong gian, tap hop cac diém cach déu ba dinh ctia mot tam giac 1a
A. Tap rong.
B. Tam dudng tron ngoai tiép tam giac dé.
C. Duong thing vuong goéc véi mat phing chita tam gidc tai tam duong tron ngoai tiép tam giac do.
D. Dudng thang vuong géc véi mat phing chiia tam giac tai tryc tam ctia tam giac do.
“Loi giai.
Chon dap an @ O
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Cau 79. Cho hinh chép S.ABCD, v6i ABCD la hinh
binh hanh. Cat hinh chép bing mit phing (M N P), trong
d6 M, N, P lan lugt 1a trung diém céc canh AB, AD, SC.
Thiét dién nhan dugc sé 1a:

A. Luc giac. B. Tam giac.

C. T giac. D. Ngi giac.
“Lo1 giai.
Trong mat phang day (ABCD) goi MNNCD = Dy, MNN
BC = Bj.
Khi d6 trong mat phang (SBC) thi BiP N SB = E va
trong mat phang (SCD) thi D1PNSD = K.
Vay thiét dién 1a ngfi giac MEPKN.
Chon dap an @ O

Cau 80. Tim khang dinh sai trong cac khang dinh sau:

A. Hai mat phing c6 mot diém chung thi ching ¢6 mot dudng thing chung duy nhét.
B. Néu ba diém phan biét M, N, P cing thuoc hai mat phing phan biét thi ching thang hang.
C. Hai miit phing c6 mot diém chung thi ching con c6 vo s6 diém chung khac nita.

D. Hai mit phing phan biét c6 mot diém chung thi chiing c6 mot dudng thing chung duy nhéat.

“L3i giai.

Chon dap an @

O

Cau 81. Trong mat phang («), cho bén diém A, B, C, D trong d6 khong cé ba diém nao thang hang. Diém
S khong thudc mat phang (o). C6 may mit phéng tao bdi S va hai trong bon diém néi trén?

).
A. 6. B. 8. C. 4.

“L3i giai.

B

D. 5.

U6 6 mat phing la: (SAB), (SBC), (SCD), (SAD), (SAC), (SBD).

Chon dap an @

Cau 82. Trong cac khang dinh sau, khing dinh nao ding?

A. Qua 2 diém phan biét c6 duy nhat mot mat phing.

B. Qua 3 diém phan biet bat ki c6 duy nhat mot miit phang.

C. Qua 3 diém khong thing hang c6 duy nhat mot mat phing.

D. Qua 4 diém phan biét bat ki c6 duy nhat mot mit phing.

“La1 giai.

— Menh dé “Qua 2 diém phan biét c6 duy nhat mot mat phang” sai. Vi qua 2 diém phan biét, tao dugc
1 dudng thang, khi d6 chua du diéu kien dé lap mot mit phing xac dinh. C6 vo s6 mat phang di qua

2 diém da cho.

— Meénh dé “Qua 3 diém phan biét bat ki c6 duy nhat mot mat phing” sai. Vi trong trudng hgp 3 diém
phan biet thdng hang thi chi tao dugc duong thing, khi d6 c6 vo sé miit phing di qua 3 diém phan

biét thing hang.

— Meénh dé “Qua 4 diém phan biét bat ki c6 duy nhat mot mat phing” sai. Vi trong truong hgp 4 diém
phan biét thing hang thi c6 vo s6 mit phing di qua 4 diém d6 hoac trong truong hop 4 diém mat
phang khong dong phang thi sé tao khong tao duge mat phéng nao di qua ca 4 diém.
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Chon dap an @ O

Cau 83. Trong khong gian, cho 4 diém khong dong phang. C6 thé xac dinh duge bao nhiéu mat phang
phan biét tir cac diém da cho?

A. 6. B. 4. C. 3. D. 2.
“Loi giai.
V6i 3 diém phan biét khong thang hang, ta ludn tao duge 1 mat phing xac dinh. Khi dé, v6i 4 diém khong
dong phéng ta tao dugc t6i da C3 = 4 mat phing.
Chon dap an O

Cau 84. Trong mit phang («), cho 4 diém A, B, C, D trong d6 khong c6 3 diém nao thang hang. Diém S
khong thudc mat phang (). C6 bao nhiéu mat phéng tao béi S va 2 trong 4 diém néi trén?

A 4. B. 5. C. 6. D. 8.
#L3i giai.
Véi diém S khong thuoc mit phiang (o) va 4 diém A, B, C, D thudc mit phang (a), ta c6 C% cach chon 2
trong 4 diém A, B, C, D cing v6i diém S lap thanh 1 mit phing xac dinh. Vay s6 mat phang tao dugc 1a 6.
Chon dap an @ O

Cau 85. Cho 5 diém A, B, C, D, E trong dé khong c6 4 diém nao dong phang. Héi c¢6 bao nhiéu mat phing
tao bdi 3 trong 5 diém da cho?

A. 10. B. 12. C. 8 D. 14.
“Loi giad.
V6i 3 diém phan biéet khong thang hang, ta luon tao dude 1 mit phing xac dinh. Ta c6 Cg cach chon 3 diém
trong 5 diém da cho dé tao dugce 1 mit phang xac dinh. Vay s6 mat phang tao duge 1a 10.

Chon dap an @ ([
Cau 86. Cac yéu t6 ndo sau day xac dinh mot mat phing duy nhat?

A. Ba diém phan biét. B. Mot diém va mot dudong thang.

C. Hai duong thang cit nhau. D. Bén diém phan biét.

“L3i giai.

— Meénh dé “Ba diém phan biét” sai. Trong trusng hop 3 diém phan biét thing hang thi sé c6 vo s6 miit
phang chita 3 diém thing hang da cho.

— Meénh dé “Mot diém va mot duong thang” sai. Trong trusng hop diém thudc dudng thang da cho, khi
d6 ta chi c6 1 duong thang, c6 vo so6 mit phing di qua duong thing do.

— Meénh dé “Bén diém phan biét” sai. Trong trudng hop 4 diém phan biét thing hang thi c6 vo sb miit
phang di qua 4 diém d6 hodc trong trudng hop 4 diém mat phing khong dong phéng thi sé khong tao
duge mat phing nio di qua ca 4 diém.

Chon dap an @ ([

Cau 87. Cho tit gidc ABCD. C6 thé xac dinh dugce bao nhiéu mit phing chita tat ca cac dinh ctia tit gidc
ABCD?

A 1. B. 2. C. 3. D. 0.
“Loi giai.
4 diém A, B,C, D tao thanh 1 tit gidc, khi d6 4 diém A, B,C, D da ddng phing va tao thanh 1 mat phang
duy nhat 14 mat phang (ABCD).
Chon dap an @ O

Cau 88. Trong cac khing dinh sau, khing dinh nao ding?
A. Néu 3 diém A, B,C 1a 3 diém chung cia 2 mit phang (P) va (Q) thi A, B, C thing hang.
B. Néu A, B,C thang hang va (P), (Q) c¢6 diém chung 1a A thi B, C ciing 1a 2 diém chung cta (P) va
(@Q)-
C. Néu 3 diém A, B,C la 3 diém chung ctia 2 mat phang (P) va (Q) phan biét thi A, B, C khong thang
hang.
D. Néu A, B,C thang hang va A, B la 2 diém chung ctia (P) va (Q) thi C cfing 1a diém chung ctia (P)
v (Q)-
“Loi giai.
Hai mit phang phan biét khong song song véi nhau thi chiing cé6 duy nhat mot giao tuyén.
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— Meénh dé “Néu 3 diém A, B, C 1a 3 diém chung ctia 2 mit phang (P) va (Q) thi A, B, C' thang hang”
sai. Vi
Néu (P) va (Q) trung nhau thi 2 mat phing c6 vo s6 diém chung. Khi d6, chua di diéu kien dé két
luan A, B, C théng hang.

— Meénh dé “Néu A, B, C thang hang va (P), (Q) c¢6 diém chung 13 A thi B, C ciing la 2 diém chung ctia
(P) va (Q)” sai. Vi:
C6 vo s6 duong thang di qua A, khi dé6 B, C chua chic da thudc giao tuyén ctia (P) va (Q).

— Meénh dé “Néu 3 diém A, B,C la 3 diém chung ctia 2 mat phéang (P) va (Q) phan biét thi A, B,C
khong thing hang” sai. Vi:
Hai mit phang (P) va (Q) phan biét giao nhau tai 1 giao tuyén duy nhat, néu 3 diém A, B,C 1a 3
diém chung ctia 2 mat phang thi A, B, C ciing thudc giao tuyén.

Chon dap an (D) O

Cau 89. Trong cac ménh dé sau day, ménh dé nao sai?

A. Hai mit phing c6 mot diém chung thi chiing c6 v6 s6 diém chung khac nita.

B. Hai mit phing c6 mot diém chung thi ching ¢6 mot dudng thing chung duy nhét.

C. Hai mit phing phan biét ¢6 mot diém chung thi ching c6 mot duong thang chung duy nhat.

D. Hai mat phing ciing di qua 3 diém A, B, C khong thang hang thi hai mit phing d6 triing nhau.
“HLoi giai.
Néu 2 mit phing trung nhau, khi d6 2 mat phang c6 vo s6 diém chung va chung nhau vo sé duong thing.
Chon dap an O

Cau 90. Cho 3 duong thing d, ds, d3 khong cling thuoc mot mat phang va cat nhau ting doi. Khing dinh
nao sau day dang?

A. 3 duong thang trén dong quy.

B. 3 dudng thing trén trimg nhau.

C. 3 duong théng trén chita 3 canh clia mot tam giac.

D. Cac khing dinh 6 A, B, C déu sai.
“Loi giai.

— Néu 3 duong thing tring nhau thi ching sé cting thuoc 1 mit phéng. /

— Néu 3 duong théng trén chita 3 canh ciia mot tam giac khi dé sé tao dugc 3
diém phan biet khong thang hang (14 3 dinh ciia tam giac), ching lap thanh 1
mat phing xac dinh, 3 dudng thang sé ciing thuoc 1 mit phang. !

Chon dap an @ O

Cau 91. Cho hinh chép S.ABCD c6 day la hinh thang ABCD (AB || CD). Khing dinh nao sau day
sai?

A. Hinh chép S.ABCD c6 4 mat bén.

B. Giao tuyén cfia hai mat phang (SAC) va (SBD) 1a SO (O la giao diém ctia AC va BD).

C. Giao tuyén ctia hai mit phing (SAD) va (SBC) 1a ST (I 1a giao diém ctia AD va BC).

D. Giao tuyén cia hai mat phang (SAB) va (SAD) la dudng trung binh ctia ABCD .
HLOI giai.
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— Hinh chép S.ABCD c6 4 mat bén: (SAB),(SBC),(SCD),(SAD).

— la diém chung thtt nhat cia hai mit phang (SAC) va (SBD).
0 € AC C (SAC) = O € (SAC)
{O € BD C (SBD) = O € (SBD)
ctia hai mat phang (SAC) va (SBD).
= (SAC)N (SBD) = SO.

= O la diém chung thi hai

— Tuong tu, ta c6 (SAD) N (SBC) = S1.

— (SAB)N(SAD) = SA ma SA khong phai 1a dusng trung binh cta
hinh thang ABCD.

Vay “Giao tuyén ciia hai mit phing (SAB) va (SAD) la duong trung
binh ctia ABCD” 1a ménh dé sai.
Chon dap an @ O
Cau 92. Cho tit dien ABCD. Goi G 1a trong tam ctia tam giac BCD. Giao tuyén ciia mit phang (ACD)
va (GAB) la
A. AM (M la trung diém ctia AB). B. AN (N la trung diém ctia CD).
C. AH (H la hinh chiéu cia B trén CD). D. AK (K la hinh chiéu cta C trén BD).
LS giad.
A
— A la diém chung thtt nhét gitta hai mat phang (ACD) va (GAB).
— Taco BGNCD =N
N € BG C (ABG) = N € (ABG)
N eCD cC (ACD)= N € (ACD).
= N la diém chung thit hai giita hai mat phing (ACD) va (GAB).

Vay (ABG) N (ACD) = AN.
C

Chon dap an O

Cau 93. Cho diém A khong ndm trén mat phing (a) chita tam giac BCD. Lay E, F 1a cac diém lan lugt
nam trén cic canh AB, AC. Khi EF va BC cit nhau tai I thi I khong phéai 1a diém chung ctia hai mat
phang nao sau day?
A. (BCD) va (DEF). B. (BCD) va (ABC). C. (BCD)va (AEF). D. (BCD) va (ABD).
L5 gii.
Diém I 1a giao diém ctia EF va BC,
EF C (DEF) I =(BCD)Nn(DEF)
ma { EF C (ABC) = { I = (BCD)n (ABC).
EF C (AEF) | I = (BCD)N (AEF)

Chon dap an (D) O

Cau 94. Cho tit dien ABCD. Goi M, N lan lugt 1 trung diém ctia AC, C'D. Giao tuyén ctia hai mat phang
(MBD) va (ABN) I

A. duong thang MN.

B. dudng thang AM.
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C. duong thing BG (G la trong tam tam giac ACD).
D. duong thang AH (H la tryc tam tam giac ACD).
HLS giad.

— B la diém chung thit nhat gitta hai mat phang (M BD) va (ABN).

— Vi M, N lan lugt 1a trung diém ctia AC,CD nén suy ra AN, DM
13 hai trung tuyén ctia tam gidc ACD.
, G € AN C (ABN) = G € (ABN)
Goi G=ANNDM =

G e DM c (MBD) = G € (MBD)
= G Ia diém chung thit hai gitta hai mat phing (MBD) va (ABN). B 7 D

Vay (ABN) N (MBD) = BG.

C
Chon dap an @ O

Cau 95. Cho hinh chép S.ABCD c6 diy ABCD la hinh binh hanh. Goi M, N lan lugt 1a trung diém AD
va BC. Giao tuyén ctia hai mat phang (SMN) va (SAC) la

A. SD. B. SO (O la tam hinh binh hanh ABCD).

C. SG (G 1a trung diém AB). D. SF (F la trung diém CD).
“Loi giai.

— S la diém chung thit nhat giita hai mat phing (SMN) va
(SAC).

— Go1 O = AC N BD la tam cua hinh hinh hanh.

Trong mat phang (ABCD), goi T = ACNMN

O € AC C (SAC) = 0 € (SAC)

Oe€eMNC (SMN)=0¢€ (SMN)
= O la diém chung thit hai gitta hai mat phang (SMN) va (SAC).
Vay (SMN)nN (SAC) = SO.

Chon dap an O

Cau 96. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi I, J lan lugt 1a trung diém SA, SB.
Khéng dinh nio sau day sai?

A. IJCD la hinh thang. B. (SAB)N (IBC) =1IB .
C. (SBD)N (JCD) = J. D. (IAC)N (JBD) = AO (O la tam ABCD).
&L giai.

— Ta ¢6 1J la dudng trung binh cta tam giac SAB
=1J || AB| CD = 1J | CD = I1JCD la hinh thang.

. {IB C (SAB)
— Ta c¢b

IBc (IBC) (SAB)N (IBC) = IB.

= (SBD)N (JBD) = JD.

_(JD C (SBD)
— Ta c¢b
JD C (JBD)

— Trong mat phang (IJCD), goi M = ICNJD = (IAC) N
(JBD) = MO.
Chon dap an (D) O

Cau 97. Cho hinh chép S.ABCD c6 day la hinh thang ABCD (AD || BC). Goi M 1a trung diém CD.
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Giao tuyén ctia hai mat phang (MSB) va (SAC) 1a
A. ST (I 1a giao diém ctia AC va BM). B. SJ (J la giao diém ctia AM va BD).
C. SO (O 1a giao diém ctia AC va BD). D. SP (P la giao diém ctia AB va CD).
HLOT giai.

— S la diém chung thit nhat giita hai mat phang (M SB) va (SAC).

(I'e BM C (SBM) = I € (SBM)
— Ta co
I € (AC) e (SAC)=1¢€ (SAC)
= I la diém chung thit hai giita hai mat phing (SAC) va (SAC).

Vay (MSB) N (SAC) = SI.

Chon dap an @ (I

Cau 98. Cho 4 diém khong dong phing A, B,C, D. Goi I, K lan lugt 14 trung diém ctia AD va B. Giao
tuyén cta (IBC) va (KAD) la

A. IK. B. BC. C. AK. D. DK.
“LSi giad.
Diém K la trung diém ctia BC suy ra K € (IBC) = IK C (IBO). A

Diém I 1a trung diém ctia AD suy ra I € (KAD) = IK C (KAD).
Vay giao tuyén ctia hai mit phing (IBC) va (KAD) la IK.

C
Chon dap an (A) O

Cau 99. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi . Goi la giao diém ctia AC va BD. Trén
canh SB lay diém M. Tim giao tuyén ctia hai mat phang (ADM) va (SAC).

A. SI. B. AE, E la giao diém ctia DM va SI).

C. DM. D. DE, E la giao diém ctia DM va ST).
LS giad.
Ta c¢6 A la diém chung thit nhit ctia (ADM) va (SAC).
Trong mit phang (SBD), goi E = SI N DM. Ta co:

— E € SIma SIC (SAC) suy ra F € (SAC).
— FE € DM ma DM C (ADM) suy ra E € (ADM).

Do d6 E la diém chung thit hai ciia (ADM) va (SAC).
Vay AFE la giao tuyén ctia (ADM) va (SAC).

Chon dap an @ ([l

Cau 100. Cho tit dien ABCD va diém M thudc mién trong ctia tam giac ACD. Goi I va J lan lugt 1 hai
diém trén canh BC va BD sao cho I.J khong song song véi CD. Goi H, K lan lugt 1a giao diém ctia 1.J véi
CD ctia MH va AC. Giao tuyén ciia hai mit phang (ACD) va (IJM) 1a

A KI. B. KJ. C. MI. D. MH.
“LGi giai.
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Trong mit phang (BCD),IJ cit CD tai H = H € (ACD). A
Diém H € IJ suy ra bén diém M, I, J, H dong phang.

Nén trong mit phang (IJM),

MH cit 1] tai H va MH C (IJM).

M € (ACD)

Mt khéc = MH C (ACD). K
H € (ACD)
Vay (ACD)N (IJM) = MH.
C B
J
D
H
Chon dap an @ O

Cau 101. Cho bén diém A, B, C, D khong dong phing. Goi M, N lan lugt 1 trung diém ciia AC va BC.
Trén doan BD lay diém P sao cho BP = 2PD. Giao diém ctia dutsng thing C'D vh mat phang (M NP) la
giao diém ctia

A. CD va NP. B. CD va MN. C. CD va MP. D. CD va AP.
&L giai.

A

— Cach 1. Xét mit phang BCD chita CD. Do NP khong song
song CD nén NP cit CD tai E. Diéem E € NP = E ¢
(MNP). Vay CDN(MNP) tai E.

E
N e BC
— Céach 2. Ta co = NP C (BCD) suy ra NP,CD
PeBD B o
dong phang. Goi E la giao diém ctia NP va CD mid NP C
(MNP) suy ra CD N (MNP) = E.

. . N
Vay giao diem cia CD va (M NP) la giao diem E ctia NP va CD.

C
Chon dap an @ ([

Cau 102. Cho tit dien ABCD. Goi E va F lan lugt la trung diém ctia AB va CD; G la trong tam tam
giac BCD. Giao diém ctia dudng thang FG va mat phang (ACD) la

A. Diém F. B. Giao diém ctia duong thang EG va AF.
C. Giao diém ctia dudng thing EG va AC. D. Giao diém ctia duong thing EG va CD.
“Loi giai.
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Vi G 1a trong tam tam giac BCD, F la trung diém ctia CD A
= G € (ABF).

Ta c6 E la trung diém ctia AB

= E € (ABF).

Goi M la giao diém ctia EG va AF ma AF C (ACD) suy ra M €
(ACD).

Vay giao diém ctia EG va (ACD) 1a M = EG N AF.

Chon dap an @ O

Cau 103. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M la trung diém ctia SC. Goi
I 1a giao diém ctia AM v6i mat phéang (SBD). Ménh dé nao duéi day ding?

A. TA = —2TM. B. IA = —3IM. C. TA = 2TM. D. IA=2,5IM.
LI giai.

Goi O 1a tam hinh binh hanh ABCD suy ra O la trung diém ctia AC.
N6i AM céat SO tai I ma SO C (SBD) suy ra [ = AM N (SBD). Tam
gidc SAC c¢6 M, O lan lugt 1a trung diém ctia SC, AC. Ma I = AM NSO

2 .
suy ra I la trong tam tam giac SAC = Al = gAM & [TA =2IM. biem
I nam giita A va M suy ra TA =2MI = —2TM.

Chon dap an @ O

Cau 104. Cho tit giac ABCD c6 AC va BD giao nhau tai O va mot diém S khong thudoc mit phing
(ABCD). Trén doan SC lay mot diém M khong tring v6i S va C. Giao diém ctia duong thang SD v6i mit
phéng (ABM) 1a

A. Giao diém ctia SD va AB.

B. Giao diém ciia SD va AM.

C. Giao diém ctia SD va BK (véi K = SO N AM).

D. Giao diém ctia SD va MK (v6i K = SON AM).
#Loi giai.
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— Chon mit phang phu (SBD) chtta SD.

— Tim giao tuyén ctia hai mit phang (SBD) va (ABM). Ta c6 B la
diém chung thit nhat ctia (SBD) va (ABM).

— Trong mit phang (ABCD), goi O = AC N BD. Trong mat phing
(SAC), goi K = AM N SO. Ta co:

— K € SO ma SO C (SBD) suy ra K € (SBD).
— K € AM ma AM C (ABM) suy ra K € (AMB).

Suy ra K la diém chung thtt hai cia BCD va (MNP). Do dé
(SBD) N (ABM) = BK.

— Trong mit phang (SBD), goi N = SDNBK. Ta c6: N € BK, ma
BK N (ABM) suy ra N N (ABM). Mat khac N € SD.

Vay N = SD N (ABM).
Chon dép 4n (C) O
Cau 105. Cho bon diém A, B, C, S khong ciing & trong mot mit phing. Goi I, H lan lugt 1 trung diém

ctia SA, AB. Trén SC lay diem K sao cho IK khong song song v6i AC (K khong tring véi cac dau mait).
Goi F 1a giao diém ctia duong thang BC v6i mat phing IHK. Ménh dé nao sau day ding?

A. E nam ngoai doan BC vé phia B. B. E niam ngoai doan BC' vé phia C.
C. E nam trong doan BC. D. E nam trong doan BC va E # B, E # C .
HLSH giai.
S
— Chon mat phing phu (ABC) chita BC.
. ) K
— Tim giao tuyén cia hai mat phang (ABC) va I
(IHK). Ta c6 H la diém chung tht nhat cia
(ABC) va (IHK). Trong mat phang (SAC),
do IK khong song song v6i AC nén goi F =
IK N AC. Ta cé: F c
E
B
— F € AC ma AC C (ABC) suy ra F € (ABC).
— FelKmiIK C (IHK) suy ra F € (IHK).
Suy ra F la diém chung tht hai ctia (ABC) va (IHK). Do d6 (ABC)N (IHK) = HF.
Trong mit phang (ABC), goi E = HF N BC. Ta cé:
— Ee HF ma HF ¢ (IHK) suy ra E € (IHK).
— E e BC.
Vay E = BC N (IHK).
Chon dap an @ O

Cau 106. Cho tt dien ABCD. Goi M, N lan lucgt 1a trung diém céc canh AB va AC, E 13 diém trén canh
CD v6i ED = 3EC. Thiét dién tao bdi mat phang (M NE) va tit dien ABCD la

A. Tam giac MNE.

B. Tt gidc MNEF vé6i F la diém bat ki trén canh BD.

C. Hinh binh hanh MNEF véi F la diém trén canh BD ma EF || BC.

Th.s Nguyén Chin Em 46 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

D. Hinh thang MNEF vé6i F la diém trén canh BD ma EF || BC.
HLOT giai.
Tam giac ABC ¢6 M, N lan lugt 1a trung diém ctia AB, AC. A
Suy ra M N la dudng trung binh cta tam gidc ABC = MN || BC.
Tt E ké duong thang d song song v6i BC va cat BD tai F = EF || BC.
Do d6 M N || EF suy ra bon diém M, N, E, F dong phéang va M NEF 1a hinh M
thang.
Vay hinh thang M NEF la thiét dién can tim.

Chon dap an @ ([

Cau 107. Cho tit dien ABCD. Goi H, K lan lugt 1a trung diém céac canh AB, BC. Trén dudng thing CD
lay diém M nam ngoai doan C'D. Thiét dien ctia ti¢ dien v6i mat phang (HKM) la

A. T giac HKMN v6i N € AD.

B. Hinh thang HKMN v6i N € AD va HK || MN.

C. Tam giac HKL v6i L = KM N BD.

D. Tam giac HKL v6i L = HM N AD.
HLS giai.
Ta c6 HK, KM 1a doan giao tuyén ctia (HKM) véi (ABC) va (BCD).
Trong mat phing (BCD), do KM khong song song véi BD nén goi L =
KMnNBD.
Vay thiét dién 1a tam giac HK L.

Chon dap an @ O

Cau 108. Cho hinh chép tit gisc déu S.ABCD c6 canh day bing a (a > 0). Cac diém M, N, P lan lugt 1a
trung diém ctia SA, SB, SC. Mat phang (M N P) cit hinh chép theo mot thiét dién c6 dién tich bing
2

a CL2 CL2

A. a?. B. —. C. —. . —.
2 4 16

LS gidi.
Goi @ la trung diém ctia SD. g
Tam gidgc SAD c6 M, Q lan lugt 1a trung diém ctia SA, SD suy
ra M@ || AD.
Tam giac SBC c6 N, P lan lugt la trung diém ctia SB, SC suy ra
NP | BC.
Mit khic AD || BC suy ra MQ | NP va MQ = NP = MNPQ
la hinh vudéng.
Khi d6 M,N,P,Q dong phing = (MNP) cit SD tai Q va
M N PQ la thiét dién cta hinh chép S.ABCD véi (M NP).
Vay dién tich hinh vuéng M N PQ 1a

g _ Sapep _ d?
MNPQ =~ = -

Chon dap an @ O

Cau 109. Cho tit dien déu ABCD c6 canh bing a. Goi G la trong tam tam gidc ABC. Mit phang (GCD)
cat tt dien theo mot thiét dien c6 dien tich la
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2 2 2 2
A O3 B ©V2 c. V2 p. ©V3
2 4 6 4
#L3i giai.
Goi M, N lan luct 13 trung diém ctia AB, BC suy ra ANNMC = G. A

Dé thay mit phiang (GCD) cit dudng thing AB tai diém M.
Suy ra tam giac MCD la thiét dién clia mat phang (GCD) va ti dién
ABCD.

av/3

M
Tam giac ABD déu, c6 M la trung diém AB suy ra MD = —5
sz X ) < .2 a\/g
Tam giac ABC deéu, ¢6 M la trung diem AB suy ra MC' = ——.
2 B D
H
C

Goi H la trung diém ctia CD
1
éMHJ_CDéSAMCD:§-MH-CD

2
Véi MH = MC2? — HC? = MCQ—Cf _“f
Vay S _Loav2 a2
Ay AMC‘D—2 9 a = 1 .
Chondépz’m 0

Cau 110. Cho tit dien déu ABCD c6 do dai cac canh bing 2a. Goi M, N lan lugt 1 trung diém cac canh
AC, BC, P la trong tam tam gidc BC'D. Mit phing (M N P) cit tit dién theo mot thiét dien c6 dien tich
1a

a?y/11 a2 a?y/11 a3

A. . B. . . . D. .
2 4 © 4 4

LS gia.

Trong tam gidc BCD cé: P la trong tam, N la trung diém BC. Suy ra A
N, P, D thing hang. Vay thiét dién 1a tam gidc MND.
AB AD+V3
Xét tam giac MND, ta c6 MNZTZ(L; DM = DN = 2\[:
av/3.

Do d6 tam gidc MND can tai D.
Goi H 1a trung diem M N suy ra DH 1 MN.

Dién tich tam giac B D
1 1 a?y/11
S = _MN-DH=-MN -\/DM?—- MH? = )
AMND 2 2 4 N
C

Chon dap an @ ([

Cau 111. Cho tiit dien ABCD. Goi M, N lan lugt 14 trung diém ctia AB va CD. Mat phang (a) qua M N
cit AD, BC lan lugt tai P va Q. Biét M P cit NQ tai I. Ba diém ndo sau day thing hang?

A. I,AC. B. I,B,D . C. I,A,B. D. I,C,D .

L1 giai.
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Ta ¢ (ABD) n (BCD) = BD. Lai c¢6
I € MP C (ABD)
I e NQC(BCD)

= I thuoc giao tuyén ciua (ABC) va (BCD)

= I € BD = I, B, D thang hang.

Chon dap an O
Cau 112. Cho ti dien SABC. Goi L, M, N lan lugt 1a cac diém trén céc canh SA, SB va AC sao cho LM
khong song song véi AB, LN khong song song véi SC. Mit phang (LM N) cit cac canh AB, BC, SC lan
lugt tai K, I,.J. Ba diém nao sau day thang hang?
A K, I,J. B. M,I,J. C. N, I,J. D. M\K,J .

#Lo1 giai.
Ta c6

— M € SB suy M la diém chung ctia (LM N) va (SBC).

— I 1a diém chung ctia (LM N) va (SBC).

— J la diém chung ctia (LM N) va (SBC).

Vay M, I,J thing hang vi ciing thudc giao tuyén ctia (LM N) va
(SBC).

Chon dap an 0

Cau 113. Cho tit dien ABCD. Goi G la trong tam tam gidc BCD, M la trung diém CD, I 1a diém & trén
doan thing AG, BI cat mit phing (ACD) tai J. Khing dinh nao sau day sai?
A. AM = (ACD) N (ABG). B. A, J, M thang hang.
C. J la trung diém ctia AM. D. DJ = (ACD)n (BDJ).
S giai.
Ta c6 A la diém chung thit nhit gitta hai mat phang (ACD) va (GAB).
M € BG C (ABG) = M € (ABG)
M eCD c (ACD) = M € (ACD)
= M la diém chung tht hai giita hai mit phang (ABG) va (ACD)
= (ABG)N (ACD) = AM.
BI C (ABG)
Taco { AM C (ABM) = AM, BI dong phang.
(ABG) = (ABM)
= J=BINAM = A,J, M thang hang.

DoBGﬂCD:M:>{

| DJ C(ACD) - : . i
Ta ¢6 = DJ = (ACD)N (BDJ). Diem I di dong trén AG nén J c6 the khong phéi 1a

DJ c (BDJ)
trung diém ctia AM.

Chon dép 4n (C) O
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Cau 114. Cho ttt dien ABCD. Goi E, F, G la cac diém lan lugt thudce cac canh AB, AC, BD sao cho EF
cit BC tai I, EG cit AD tai H. Ba duong thing nao sau day dong quy?

A. CD,EF,EG. B. CD,IG, HF. C. AB,IG,HF. D. AC,IG, BD.
#Loi giai.
Phuong phap: Dé chiing minh ba duong thang dy, da, d3 dong
quy ta ching minh giao diém ciia hai dudng thang d; va do
la diém chung ctia hai mit phéng («) va (8); dong thoi ds
1a giao tuyén (a) va ().
Goi O = HF NIG. Ta co:

— O€ HF ma HF C (ACD) suy ra O € (ACD).
— O €IGmalGC (BCD)suyraO € (BCD,).

Do d6 O € (ACD)N (BCD) (1).

Ma (ACD)N (BCD) =CD (2). Tu (1) va (2), suy ra O €
CD.

Vay ba duong thing CD,IG, HF dong quy.

Chon dap an 0

Cau 115. Cho hinh chép S.ABCD c6é day ABCD khong phéi 1a hinh thang. Trén canh SC lay diém . Goi
la giao diém ciia dudng thing SD véi mat phang . Ménh dé nio sau day ding?

A. Ba dudng thing AB,CD, MN doi mot song song.

B. Ba dudng thing AB,CD, MN doi mot cit nhau.

C. Ba duong thing AB,CD, MN dong quy.

D. Ba duong thing AB,CD, MN cung thuoc mot mit phing.
“Lai giai.
Goi I = AD N BC. Trong mat phing (SBC), goi g
K = BM N SI. Trong mat phang (SAD), goi N =
AKNSD.
Khi d6 N la giao diém ciia duong thing SD vé6i mat
phing (AMB). Goi O = ABNCD. Ta cé:

— O€ ABma AB C (AMB) suyra O € (AMB).
— 0 € CDmaCD C (SCD) suy ra O € (SCD,).

)
Do d6 O € (AMB) N (SCD) (1).
Ma (AMB) N (SCD) = MN (2).
Tw (1) va (2), suy ra O € MN.
Vay ba duong thing AB,CD, MN dong quy.

Chon dap an @ O

Cau 116. Cho tit dien ABCD. Goi I, J va K lan lugt 1a trung diém ctia AC, BC va BD. Giao tuyén ctia
hai mat phing (ABD) va (IKJ) la duong thang

A. KD. B. KI.

C. qua K va song song v6i AB. D. Khong cé.
#L3H gidi.
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Ta c6 A

(IJK)N (ABD) = K
1J c (IJK),AB C (ABD)

M
1J | AB
< (IJK)N(ABD)=KM | IJ || AB.
D
B
J
C

Chon dap an @ O
Cau 117. Cac yéu t6 nao sau day xac dinh mot mit phing duy nhéat?

A. Ba diém. B. Mot diém va mot duong thing.

C. Hai duong thang cit nhau. D. Bén diém.
S giai.
Stta lai cho ding: Ba diém khong thang hang.
Stta lai cho ding: Mot diém v mot duong thing khong chita diém dé.
Chon dap an @ O
Cau 118. Cho tam giac ABC, lay diém I trén canh AC kéo dai. Ménh dé nao sau day la sai?

A. Ae (ABQO). B. I € (ABQO). C. (ABC) = (BIO). D. BI ¢ (ABC).
“L3i giai.
Taco I € (ABC),B € (ABC) < BI ¢ (ABC). B C

A
1

Chon dap an (D) O

Cau 119. Cho tam gidac ABC. C6 thé xac dinh dude bao nhieu miit phing chita tat ca céc dinh tam giac
ABC?

A. 4. B. 3. C. 2. D. 1.
Lo giai.

Ta c6 ABC la tam giac < ba diém A, B, C khong thing hang. Vay
c6 duy nhat mot mit phing chita A, B, C. /@\
C A
Chon dap an @ ([

Cau 120. Trong khong gian cho bén diém khong dong phing, cé thé xéc dinh nhiéu nhét bao nhiéu mat
phang phan biet tit cac diém do?

A. 6. B. 4. C. 3. D. 2.
“Loi giai.
Gia st bon diém dé la tit dien ABCD. C6 cac mat phang dé la: A

(ABC), (ABD), (ACD), (BCD).

B
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Chon dap an 0

Cau 121. Cho hinh chép S.ABCD véi day 1a ti giac ABCD c6 cac canh doi khong song song. Gia st
ACNBD =0 va AD N BC = I. Giao tuyén clia hai mat phing (SAC) va (SBD) la
A. SC. B. SB. C. SO. D. SI.

SL3I giai.

Ta c6
(SAC)N(SBD) =S
O € AC C (SAQ) < (SAC)N (SBD) = SO.
O € BD C (SBD)

Chon dap an @ O

Cau 122. Cho hinh chép S.ABCD véi day 1a tit gide ABCD. Thiét dién ctia mit phang («) tity ¥ véi hinh
chop khong thé 1a

A. Luc giac. B. Ngii giac. C. T giac. D. Tam giac.
“Loi giai.
Hinh chép t gidc c6 tat cd 5 miit nén thiét dien khong thé 1a luc giac.
Chondépén@ O
DAP AN
1. C 2. B3 Cl& A5, c6e. Allz. D][8. B |9. A |[10. D |
[11. B J[12. D ][13. C |[14. B |[15. D J[16. A J[17. A |[18. B |[19. A |[20. A |
21. B |[22. A |[23. C |[24. D |[25. D |[26. C ||27. C |[28. B |[29. C |[30. B
31. B |[32. C||33. B |34 C ||35. B ||36. A ||37. B |[38. B [[39. A |[40. C
(4. C ][42. A ][43. B ||44. C ||45. C ||46. C ||47. B |[48. B |[49. C |[50. B |
[51. A ][52. B |[53. A ][54. C |[55. C |[56. B |[57. A |[58. B |[59. A |[60. D |
6. B ||62. D ||63. A ||64. A ||65. B ||66. A ||67. B |[68. A |[69. B |[70. B
71. A |[72. D |[73. B ||74. A |[75. C ||[76. D ||77. D |[78. C |[79. D |[80. A
181. A |[82. C |[83. B |[s84. C |[85. A |[86. C |[87. A |[88. D |[89. B [[90. A |
9. D ][92. B ][93. D \\94. C |[95. B H96. D |[97. A ][98. A ][99. B ][100. A ]
[101. A ][102. B ][103. A ][104. C |[105. D |[106. D |[107. C |[108. C |[109. B |[110. C |
[111. B |[112. B |[113. C |[114. B |[115. C H116 C |[117. € ][118. D |[119. D |[120. B |
[121. C ][122. A ]
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sAl2.  HAI PUONG THANG CHEO NHAU VA HAI
DUONG THANG SONG SONG

@ TOMTAT LY THUYET
€) VITRI TUONG DSI CUA HAI BUONG THANG TRONG KHONG GIAN

Vs

Cho hai dudng thing a va b trong khong gian. C6 cac trusng hop sau day xay ra ddi véi a va b.
Trudng hop 1: C6 mot mat phing chita ci a va b, khi d6 theo két qua tronh hinh hoc
phing ta c6 ba kha nang sau.

— a va b cit nhau tai diém M, ta ki hiéu a Nb = M.
— a va b song song v4i nhau, ta ki hiéu a || b.
— a va b trung nhau, ta ki hiéu a = b.

Trudng hop 2: Khong c6 mit phang nao chia ca a va b, khi d6 ta néi a va b 1a hai dudng
thing chéo nhau.

A
€) CAC DINH Li VA TINH CHAT

-

.

(1) Trong khong gian, qua mot diém cho trudc khong nim trén dudng thing a c6 mot va chi mot
dudng thang song song véi a.

(2) Néu ba mit phang phan biét doi mot cit nhau theo ba giao tuyén thi ba giao tuyén dé hoic
dong qui hodc doi mot song song.

(3) Néu hai mit phang phan biét 1an lugt chita hai dudng thing song song thi giao tuyén clia ching
(néu co) ciing song song véi hai duong thang d6 hogc tring v6i mot trong hai dudng thing dé.

(4) Néu hai duong thang phan biét ciing song song véi dudng thang thit ba thi chiing song song

dq

L~

(® CACDANG TOAN

Dang 1. Tim giao tuyén ctia hai mit phing bang quan hé song song

Phuong phap:
Sit dung tinh chat: Néu hai mat phang (o) va (B) cé diém chung M wva lan lugt chita hai duong thing
song song d va d' thi giao tuyén cia (o) va (8) la duong thing di qua M song song vdi d va d'.

Vi du 1. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Tim giao tuyén clia hai mit
phéng (SAB) va (SCD)
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&L giai.

AB C (SAB)

CD c (SCD)

AB| CD

S € (SAB) N (SCD)

Ta c6 = (SAB)N (SCD) =d || AB| CD,S € d. O

Vi du 2. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi cac canh day 1a AB va C'D. Goi
I,J lan lugt 1a trung diém ciia cac canh AD va BC va G la trong tam ciia tam gidc SAB. Tim giao
tuyén ctia hai mat phang (SAB) va (IJG).

LS gia.

Ta c6 ABCD la hinh thang va I, J 1 trung diém ctia AD, BC nén 1.J//AB.
G e (SAB)N(IJG)

AB C (SAB) ) ) )

Vay = (SAB)N(IJG) = MN v6i MN di qua G va song song AB v6i M € SA,N €
1JC (1JG)
AB || IJ

SB. O

Vidu 3. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi cac canh day 1a AB va C'D. Goi
I, J lan lugt 1a trung diém ctia cidc canh AD va BC va G la trong tam ciia tam gidgc SAB. Tim diéu
kien ctia AB va C'D dé thiét dien ctia (IJG) va hinh chép 1a mot hinh binh hanh.

L1 giai.
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Dé thay thiét dien 1a ti giac MNJI.

MN SG 2 )
Do G la trong tam tam gidc SAB va MN | AB nén AB — SE — 3 (E la trung diem cta AB)

= MN = gAB.
1

Lai ¢6 [J = J(AB+CD). Vi MN || 1] nén MNIJ la hinh thang, do d6 MN1I.J a hinh binh hanh khi
2 1

MN = 1] & 3AB = (AB+CD) & AB = 3CD.

Vay d& thét dien 1a hinh binh hanh khi AB = 3CD. O

Dang 2. Ching minh hai dudng thang song song

Phvong phap
DE chitng minh hai duong thdang song song ta cé thé lam theo mot trong cdc cich sau

(@) Chatng minh ching cting thudoc mot mat phang roi ding cdc phuong phap ching minh hai duong
thing song song trong mdat phdng.

(2 Chitng minh hai duong thang dé cing song song voi duong thing thit ba.

(3 Néu hai mat phdng phan biét lan ligt chita hai duong thing song song thi giao tuyén clia ching
(néu cd) ciing song song vdi hai duong thang dé hodc tring vdi mot trong hai duong thing do.

() Sit dung dinh li vé giao tuyén ciia ba mat phdng.

Vi du 1. Cho hinh chép S.ABCD c6 dady ABCD la mot hinh thang véi day 16n AB. Goi M, N lan
lugt 13 trung diém ctia SA va SB. Khing dinh nao sau day la ding

&L giai.
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Ta ¢6 M N la duong trung binh ctia tam giac SAB nén MN || AB.
Lai ¢c6 ABCD la hinh thang = AB || CD.

MN || AB
Vay = MN || CD.
CD | AB

Vi du 2. Cho hinh chép S.ABCD c6 day ABCD 1a mot hinh thang véi day 16n AB. Goi M, N lan
lugt 1a trung diém ciia SA va SB. Goi P la giao diém ctia SC va (ADN), I la giao diém ctia AN va
DP. Khang dinh nao sau day la dang?

Trong (ABCD) goi E = AD N BC, trong (SCD) goi P =SCNEN.
Ta c6 E € AD € (ADN) = EN C (AND) = P € (ADN).
Vay P = SC N (ADN).

LS gia.

I € AN I € (SAB)
Dol =ANNDP = = = SI=(SAB)N(SCD).
IeDP I e (SCD)
AB C (SAB)
| CD c (SCD)
Ta co = SI| CD. O
AB | CD
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Vi du 3. Cho hinh chép S.ABCD c6 ddy ABC D 1a mot hinh thang véi day AD va BC. Biét AD = a,
BC =b. Goi I va J lan lugt 1 trong tam céc tam giac SAD va SBC. Mat phang (AD.J) cit SB, SC
lan lugt tai M,N. Mit phéng (BCI) cat SA, SD tai P,Q. Khing dinh nio sau day la dang?

L1 giai.

Taco I € (SAD)= 1€ (SAD)N (IBC).
AD C (SAD)

vay 4 BC ¢ UBC) ~ PQ|| AD || BC (1)
¥\ ap | BC

(SAD) N (IBC) = PQ

Tuong tu J € (SBC) = J € (SBC) N (ADJ)

AD C (ADJ)
BC C (SBC
Vay ( ) = MN || AD || BC (2)
AD || BC
(SBC)N (ADJ) = MN
Tu (1) va (2) suy ra MN || PQ. O

Vi du 4. Cho hinh chép S.ABCD c6 day ABCD la mot hinh thang véi day AD va BC. Biét
AD = a,BC = b. Goi I va J lan lugt 1 trong tam céc tam gidc SAD va SBC. Mt phang (AD.J)
cat SB, SC lan lugt tai M, N. Mat phiang (BCI) cat SA, SD tai P, Q. Giai st AM cat BP tai E;
CQ cat DN tai F. Tinh EF theo a,b.

“L3i giai.
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E € (AMND)
E € (PBCQ)

F € (AMND)

Taco E =AM NBP =
F € (PBCQ)

;F:DNmCQ:s{

AD || BC
Do d6 EF = (AMND) N (PBCQ). Ma | — EF || AD || BC | MN | PQ.
MN || PQ
Tinh EF"
Goi K = CPNEF = EF = EK + KF
EK PE PE  PM
Ta 6 EK || BC = PM || AB = .
8 o6 BX | Bc ~pp WM EB _ AB
o PM _SP_2  PE 2
AB S%K?)PEB_?}?E 1 2 2 P
Tt (1 — 25 EK=ZBC =2
w(suyra pm = 55 = PE+ BB - EB 5 FBC =+
) PE
Tuong tu KF = 5a.
2
Vay EF = EK + KF = —(a +b). 0

5
Dang 3. Ching minh bén diém dong phang va ba dudng thing dong qui

Phuong phap:

DE chiing minh bon diem A, B, C, D dong phdng ta tim hai duong thing a, b lan lugt di qua hai
trong bon diém trén va chimg minh a, b song song hodc cit nhau, khi dé A, B, C, D thuoc mp(a,b).
DE chitng minh ba duong thang a, b, ¢ dong qui ngodi cich ching minh & §1, ta cé thé ching minh
a, b, ¢ lan lugt la giao tuyén cia hai trong ba mat phang (), (B), (8) trong dé cé hai giao tuyén cit
nhau. Khi dé theo tinh chit vé giao tuyén cia ba mdt phdang ta duge a, b, ¢ dong qui.

Vi du 1. Cho hinh chép S.ABCD c6 day ABCD la mot tt giac 16i. Goi M, N, E, F lan lugt 1a
trung diém ctia cac canh bén SA, SB, SC va SD. Ching minh ME ,NF ,SO dong qui .

&L giai.

Trong (SAC) goi I = ME N SO, dé thay I 1a trung diém ctia SO, suy ra FI la dudng trung binh ctia tam
giac SOD.

Vay FI || OD.

Tuong ty ta c6 NI | OB nén N, I, F thiang hang hay I € NF.

Vay minh ME ,NF ,SO dong qui . O

Vi du 2. Cho hinh chép S.ABCD c6 day ABCD la mot tt giac 16i. Goi M, N, E, F lan lugt 1a
trung diém ctia cdc canh bén SA, SB, SC va SD. Chiing minh ring M, N, E, F ddng phing.
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&L giai.

Do MENNF =1 nén ME va NF xac dinh mot mat phing. Suy ra M, N, E, F ddng phing. U
(® BAITAPREN LUYEN

Bai 1. Cho tit dien ABCD. Goi M, N lan lugt 1a trung diém ctia cdc canh AB va AC. Tim giao tuyén ciia
hai mit phang (DM N) va (BCD).

£LSH gidi.

Do M, N lan lugt 1a trung diém ctia AB, AC nén M N || BC. Khi

d6
D € (DMN)n (DBC)

MN c (DMN)
BC c (DBC)
MN || BC

Vay (DMN)N(DBC)=d | MN || BC vé6i D € d.

Bai 2. Cho hinh chép S.ABC. Goi G1,Gs lan lugt 1a trong tam cac tam giac SBC va SAB.

(@ Chiing minh G1G3 || AC.

(2) Tim giao tuyén ctia hai mat phing (BG1Gs) va (ABC).

L1 giai.
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a) Ching minh GG, || AC.
Goi M, N lan luot 1a trung diém ctia AB, BC. Do G1, G5 la trong
tam cac tam giac SBC va SAB nén

SG1 2 SGy 2 SGy  SGh
SN T3 SM 37 SN osam eI MN.
Mat khac, lai c6 G1Gs || AC.
b) Tim giao tuyén ctia hai mit phang (BG1G2) va (ABC).
Vi
B e (BGlGQ)
G1G2 C (BGlGQ)
AC C (ABCD)
G1Gy || AC

= (BG1G2> N (ABCD) =d ” AC H G1Gs.

Bai 3. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh.
(@ Tim giao tuyén ctia hai mit phang (SAB) va (SCD).

(2) Goi M 1a mot diém trén canh SC. Xac dinh giao diém N ctia SD véi (ABM). Tt gisdc ABMN la
hinh gi?

@ Giad st I = AN N BM. Chtng minh I thuoc mot dudng thing ¢d dinh khi M chay trén canh SC.

L1 giai.

a) Ta c6
S e (SAB)N(SCD)
AB || CD
AB C (SAB)
CD C (SCD)

= (SAB) N (SCD) =d || AB | CD véi S € d.

b) Ta c6
M € (SCD) N (ABM)
AB || CD
AB C (ABM)
CD C (SCD)

= (ABM) N (SCD) =d | AB,M € d.
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Trong mat phang (SCD), goi N =d' N SD. Suy ra N = SDN (ABM). Do MN || AB nén tit gisdc ABMN
la hinh thang.
c) Goi A = (SAD) N (SBC) thi A la dudng thing c¢6 dinh. Mat khac, vi

I € AN C (SAD)

=1e€(SAD)N(SBC) =1 € A.
I € BM C (SBC) ( )N )

I=ANNBM = {
T do, I 1a diém c6 dinh. O

Bai 4. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N, P,Q lan lugt 1a trung diém
cua cac canh SA,SB,SC,SD.

(1) Chting minh M N PQ la mot hinh binh hanh.
(2) Goi I 1a mot diém trén canh BC. X4c dinh thiét dién ctia hinh chép v6i mat phang (IMN).
#Loi giai.
1 1
a) Ta c6 MN || AB; MN = SAB va PQ | CD; PQ = SCD. Tit
do, suy ra MN = PQ va M N || PQ.
Vay M N PQ@ 1a hinh binh hanh.
b) Ta c6
I € (IMN)N (ABCD)
AB C (ABCD)
MN C (IMN)
AB | MN

= (IMN)N(ABCD)=1J | AB || MN véi J € AD.

Thiét dién ctia hinh chép cit bsi mit phang (1M N) 1 hinh thang
MNIJ.

O

Bai 5. Cho ttt dien ABCD. Goi I, J lan lugt 1a trung diém ctia BC va BD, E 1a mot diém thuoc canh AD
(E khéc A va D).

(1) X4c dinh thiét dien cta tit dien véi (IJE).
(2) Tim vi trf clia diém E trén AD sao cho thiét dién la hinh binh hanh.
(3) Tim diéu kién ctia tt dien ABCD va vi tri clia diém E trén AD sao cho thiét dién 1a hinh thoi.

&Ll giai.
F e (IJF)n (ACD)

a) Ta c6 { IJ C (IJF),CD C (ACD) = (IJF)N (ACD) = FE || CD | A
1J| CD
Thiét dien 1 tit giac IJEF. B

. 1
b) Dé thiét dien 7JEF la hinh binh hanh thi 7 ||= EF ma 17 |= 5CD

1
nén EF ||= §C’D, hay EF la dudng trung binh trong tam gidac AC'D ting

v6i canh CD, do d6 E la trung diém ctia AD.
c) Dé thiét dien IJEF la hinh thoi thi trudc tien né phai 1a hinh binh

hanh, khi d6 E 1a trung diém ctia AD. B D
Mat khac IJEF la hinh thoi thi IJ =1F, ma IJ = %CD,IF = %AB = I

AB = CD. c

Vay diéu kien dé thiét dien la hinh thoi la t& dien ABCD c6 AB = CD

va E 13 trung diém ctia AD. -

Bai 6. Cho tit dien déu ABCD canh a. Goi M, N lan lugt 1 trung diém ctia CD va AB.
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(1 Hay x4c dinh cac diém I € AC va J € DN sao cho I.J | BM.
(2) Tinh I.J theo a.

£LoE giai.

a) Trong (BCD), tit D ké dudng thing song song véi
BM cat BC tai K. N6i K va N cat AC tai I. Trong
(IKD), tit I ké duong thang song song véi DK cit
DN tai J.

Khi d6 I.J || BM.

C
3
b) Do BM la duong trung binh cta tam giac CKD nén KD = 2BM =2 - aT = aV/3.

Goi H la trung diém ctia BC. Khi dé

NK KH 3HC

AN|AC= =55 = Ho

=3

:>NK:3NI:>KD:3IJ:>IJ:;KD:&\3/§.

O

Bai 7. Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang. Mot miit phang («) cit cac canh SA, SB, SC
va SD lan lugt tai cac diém M, N, P, Q.

@) Gia st MNNPQ =1, ABNCD = E. Chting minh I, E, S thing hang.
(2 Gia st A = (IBC)N(IAD) va A C (). Ching minh MQ || NP || AB || CD.
#Loi gidi.

a) Ta ¢c6 SE = (SAB) N (SCD) I = MN N PQ =
{IEMNC(SAB)

I € PQ C (SCD)
I € (IAD)N (IBC)

= I € (SAB) N (SCD), hay I € SE. b) Vi

AD//BC

AD C (IAD)

BC c (IBC)

= (IAD)N(IBC)=A || AB | DC,I € A. A
A C («)
o BC cC (SBC)
Mt khéc theo gia thiet A C () nén = NP |

A || BC

()N (SBC) = NP
BC || A.

Tuong tu ta cing c6 MQ || AD || A. Vay MQ | NP || BC || AD || A.

Bai 8. Cho hinh chép S.ABCD c6 day 1a hinh thang véi AD || BC. Goi M 1a mot diém di dong trong tit
giac ABCD. Qua M vé cac dudng thang song song v6i SA, SB cit cic mat (SBC) va (SAD) lan lugt tai
N, P.

(1) Néu céach dyng cac diém N, P.
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(2) Tim tap hgp diém M sao cho MN - M P 16n nhat.

&Loi giai.
a) Goi E = AM N BC,F = BM N AD. Tit M ké cac dusng thang
song song v6i SA, SB lan lugt cat SE, SF tai N, P. Thi N, P la cac

diém can dung.
. MN EM MP_FM_AM MN MP

T == _— 3 _— — T
?E)Ma CZ A4 T EASE T FB ~ AE nen e T 5B
ﬂ—i-ﬂ:l. Theo BDT Cauchy ta c6
MN MP
<SA-SB(MN+MP>2_SA-SB
! SA  SB/) 4
vayMN-MPZSA'SBkhiMN:MpzlhayMlatrung

. 4 SA  SB 2
diem cia AF va BF, do d6 tap hgp diem M la dudng trung binh
ctia hinh thang ABCD.

Bai 9. Cho hinh chép S.ABCD c6 day ABC D 1a mdt hinh thang v6i ddy AD = a va BC = b. Goi M, N, P
lan lugt 1a trung diém cac canh AB,CD va SB.

(D) Tim giao tuyén ctia hai mit phang (ADP) va (SBC).
(2) Tim do dai doan giao tuyén ctia (ADP) va (SMN) ndm bén trong hinh chép.

#Loi giai.

P e (ADP)N(SBC)
AD || BC

AD C (ADP)

BC cC (SBC)

a) Ta c6

= (ADP)N (SBC) = PQ | AD || BC,Q € SC.
b) Goi I = APNSM,.J = DQ N SN. Khi dé
IJ = (ADP)N (SMN).

Dé thay I,J lan lugt 13 trong tam cac tam giac SAB va SCD. Goi
K=I1IJNPD,taco IJ=I1IK+ KJ suy ra

IK PI 1 1 1
AD ~pa 3 1E=34P=g3a
Tuong tu
JK DI 2 2 1 1
= =" =S JK=ZP0O==.-BC = Zb.
PQ DQ 3 3Q 3 2 3

1
Vay 1] = IK + KJ = (a+D).
m

Bai 10. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi I, J lan lugt 1a trong tam céc tam
giac SAB vi SAD. M la diém trén canh SA sao cho M A = 2MS. Xac dinh thiét dien ctia hinh chop véi
mit phéang (M1J)

“Loi giai.
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Kéo dai M1 cat AB tai K, kéo dai MJ cat AD tai L

Ta c6 (MIJ)N(SAB) = MK; (MIJ)N (SAD) = ML; (MIJ)nN
(ABCD) = KL.

Vay mat phang (MI.J) cit hinh chép S.ABCD theo thiét dien la
tam giac MK L.

Bai 11. Cho hinh chép S.ABC, M la mot diém nim trong tam gidac ABC. Cac duong thing qua M va
song song véi SA, SB va SC cit cac mat (SBC), (SCA), (SAB) lan lugt tai cac diem A’, B',C".

(1) Neéu céach dung cac diém A’, B, C".

MA" MB  MC' .
+ c6 gia tri khong doi khi M di dong trong tam gidc ABC.

(2) Chitng minh A + B SO

(3) Xéc dinh vi tri ctia M dé tich M A’ - MB'- MC’ 16n nhét.

Lo giai.

@D Goi E = AM N BC, trong (SAFE) vé duong thang di qua M vi song song v6i SA cit SE tai A’ thi A’
13 diém can dung.
Cac diém B’,C’ dugc dung tuong tir.

MA" ME  Sypc
Ta c6 MA’ A né = = 1
(2) Ta co || SA nén A AE ~ Sapc (1)

MB' _IM _ Swac ., MC'™_FM _ Swuas

T t = — = — — 3
Y NTSE TIM T Sape 7 SC T FC T Sasc ( )/

) MA MB MC
ong cac ding thirc (1), (2) v2 1
Cong cac dang thic (1), (2) va (3) ta duge A + ] + e

@Tacé
MA/+MB/+MC’ 3
MA" MB' MC' SA SB SO
MA  -MB' -MC'=SA-SB - . . . < SA.-SB- —
C'=SA-SB-SC i S5 S0 <SA-SB-SC 3
54-5B- 50
27

MA MB MC' 1 EM _IM_FM
= — = — = — a tron am tam glac
sA T s Tsc "3 e &

Dang thic xay ra khi T4 1B~ FO
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ABC.

Vay max (MA'- MB'- MC') = 2458 5C

27

O

Bai 12. Cho tit dien ABCD. Mot mat phang (a) cit bon canh AB, BC,CD, DA lan lugt tai M, N, P.Q.

AB-BC-CD-AD

Chtng minh rdng MA- NB-PC - QD < 16

gi?

4o giai.

Do M, N, E, F dong phang nén theo dinh li Menelauyt trong
MA NB PC QD 1

MB NC PD QA

khoéng gian ta co

Do dé

(MA.NB.PC.QD)* =

= (MA.NB.PC.QD)(MB.NC.PD.QA) (1)
Theo BDT Cauchy ta c6

MAMB < (MA;LMB)Q _ AfQ
NB.NC < (NB;NC)QZ Biﬂ
PC.PD < (PC;PD)QZ 052
opn< (2101) AL

Nhan theo vé cdc BDT trén va két hop véi (1) thu duge:

MA.NB.PC.QDSAB-BCl-6CD-AD

(® CAUHOITRAC NGHIEM
Cau 1. Trong cac ménh dé sau, ménh dé nao sai?
A. Hai dudng thiang khong c6 diém chung thi chéo nhau.

B. Hai dudng thiang chéo nhau thi khong c6 diém chung.

. Khi déng thiic xay ra thi M NPQ la hinh

C. Hai duong thang phan biét khong cit nhau va khong song song thi chéo nhau.
D. Hai duong thang phan biet khong chéo nhau thi hodc cit nhau hodc song song.

L1 giai.

Hai duong thing khong cé diém chung thi chiing song song (khi ching dong phéng) hosic chéo nhau (khi

chiing khong dong phang).
Chon dap an

Cau 2. Trong cac ménh dé sau, ménh dé ndo ding?

0

A. Hai duong thing c6 mot diém chung thi ching c6 vo s6 diém chung khac.

B. Hai duong thang song song khi va chi khi chiing khong diém chung.

C. Hai duong thing song song khi va chi khi ching khong déng phing.

D. Hai dudng thing chéo nhau khi va chi khi chiing khong dong phing.

L5 giai.

— Meénh dé “Hai dudng thing c6 mot diém chung thi chiing c6 vo sé diém chung khac” sai vi trong trudng
hop 2 dudong théng cit nhau thi ching chi c6 1 diém chung.

— Meénh dé “Hai dudng thing c6 mot diém chung thi chiing c¢6 vo s6 diém chung khac” sai vi hai duong
thiing song song khi v& chi khi ching dong phing va khong c6 diém chung.

— Meénh dé “Hai dudng thing song song khi v& chi khi chiing khong dong phang” sai vi hai dudng thing
song song khi va chi khi chiung dong phing va khong ¢ diém chung.

Chon dap an @

Cau 3. Trong cac ménh dé sau, ménh dé nao ding?

O

A. Hai dudng thing ciing song song v6i mot dudng thing thit ba thi song song véi nhau.
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B. Hai duong thing ciing song song véi mot dudng thing thi ba thi triing nhau.
C. Hai dudng thang cling song song véi mot dudng thang thit ba thi song song véi nhau hoac triing nhau.
D. Hai dudng thang cling song song véi mot dudng théng thi ba thi ching lan lugt ndm trén hai mit
phéng song song..
“Loi giai.
Hai duong thing cling song song véi mot duong thang thit ba thi song song v6i nhau hoiic tring nhau.
Chon dap an @ O
Cau 4. Trong cac khing dinh sau, khang dinh nao ding?
A. Hai duong thang chéo nhau thi ching cé diém chung.
B. Hai duong thing khong c6 diém chung la hai dudng thing song song hoiic chéo nhau.
C. Hai duong thang song song v6i nhau khi ching & trén cting mot mit phing.
D. Khi hai dudng thang & trén hai mit phéng phan biét thi hai duong thang dé chéo nhau.
“HLoi giai.
— Meénh dé “Hai dudng thang chéo nhau thi ching c6 diém chung” sai vi hai dudng thing chéo nhau thi
chiing khong c6 diém chung.

— Meénh dé “Hai dudng thing song song v6i nhau khi chiing & trén cting mot mit phang” sai vi c6 thé
xay ra truong hop hai duong thang dé hoac cit nhau hoiic triing nhau.

— Meénh dé “Khi hai duong thang & trén hai mit phing phan biét thi hai duong thang dé chéo nhau” sai
vi c6 thé xay ra truong hgp hai duong thing d6 song song.

Chon dap an O

Cau 5. Cho hai duong thang chéo nhau a va b. Lay A, B thuoc a va C, D thuoc b. Khang dinh nao sau day
ding khi néi vé hai dudng thing AD va BC?

A. C6 thé song song hoic cit nhau. B. Ciat nhau.

C. Song song véi nhau. D. Chéo nhau.
#LoT giai.
Theo gia thiét, a va b chéo nhau = a va b khong dong phang. B
Gia st AD va BC dong phéng. a_
Néu ADNBC =1 = I € (ABCD) = I € (a;b). /A/,'/
Ma a va b khong ddng phing, do dé, khong ton tai diém I. / ! :'

Néu AD || BC = a va b dong phing (Mau thuin véi gia thiét).
Vay diéu gid stt 1a sai. Do d6 AD va BC' chéo nhau.
C
b
D

Chon dap an (D) O

Cau 6. Cho ba mat phang phan biét (), (8), (v) ¢6 (a) N (B) = di; (B) N (y) = d2; (a) N (v) = ds. Khi
dé6 ba dudong théng di, da, d3
A. doi mot cat nhau. B. doi mot song song.
C. dong quy. D. doi mot song song hodc dong quy.
LS giai.
Néu ba mit phang doi mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén ay hoic dong quy hoic

do6i mot song song.
Chon dap an @ ([

Cau 7. Trong khong gian, cho 3 duong thing a, b, ¢, biét a || b, a v ¢ chéo nhau. Khi d6 hai dudng thang
bvac
A. trung nhau hoéc chéo nhau. B. cit nhau hoac chéo nhau.
C. chéo nhau hoac song song. D. song song hoac trung nhau.
“Loi giai.
Gia st b || ¢ = ¢ || a (mau thuan véi gia thiét).
Chon dap an O
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Cau 8. Trong khong gian, cho ba dudng thang phan biét a, b, ¢ trong d6 a || b. Khing dinh nio sau day
sai?
A. Néual cthid]ec.
B. Néu c cit a thi c cit b.
C. Néu A € a va B € b thi ba dudng thing a, b, AB cung & trén mot mit phing.
D. Ton tai duy nhat mot mat phing qua a va b.
“Loi giai.
Néu c cit a thi ¢ cit b hodc ¢ chéo b.

Chon dap an O

Cau 9. Cho hai duong thing chéo nhau a, b va diem M & ngoai a va ngoai b. C6 nhiéu nhat bao nhicu
dudng thing qua M cét ca a va b?

A 1. B. 2. C. 0. D. Vo so.
“Lo1 giai.
Goi P la mit phing tao bdi duong thing a va M; @ la mat phang tao bdi /\
dudng thing b va M . ) c
Gia st ¢ 1a duong thang qua M cat cad a va b.

ceP PAQ b
= =c= :
ceQ ¢ a /M

Vay chi c6 1 dudng thang qua M cit ci a va b.

Chon dap an @ (I

Cau 10. Trong khong gian, cho 3 dudng thing a, b, ¢ chéo nhau titng doi. C6 nhiéu nhat bao nhieu duong
thang cit ca 3 duong thang ay?
A 1. B. 2. C. 0. D. Vo sb.
LS giai.
Goi M la diém bat ki ndm trén a.
Gia stt d 1a duong thing qua M cét ci b va c. Khi d6, d 1a giao tuyén ctia mit phang tao bdi M va b véi
mat phang tao bsi M va c.
V6i mbi diem M ta duge mot dudng thang d.
Vay ¢6 vo s6 dudong thing cit ci 3 duong thang a, b, c.
Chon dap an @ ([

Cau 11. Cho tt dien ABCD. Goi I, J lan lugt 1a trong tam cac tam giac ABC va ABD. Chon khang dinh
ding trong cac khéng dinh sau?

A. 1J song song v6i C'D. B. 1J song song vGi AB.

C. 1J chéo CD. D. IJ cat AB.
Lo giai.
Goi M, N lan lugt la trung diém ctiia BC, BD. A
= MN la dudng trung binh ctia tam giac BCD = MN || CD (1).

N N . . . Al AT 2
1, J lan lugt 1a trong tam cac tam giac ABC va ABD = A - AV~ 3
IJ|| MN (2).

T (1) va (2) suy ra IJ || CD.

=

D
Chon dap an @ O
Cau 12. Cho hinh chép S.ABCD c6 AD khong song song v6i BC. Goi M, N, P,Q, R, T lan ludt 1a trung
diém AC,BD,BC,CD,SA,SD. Cap duong thing nao sau day song song v6i nhau?
A. MP va RT. B. MQ va RT. C. MN va RT. D. PQ va RT.
Lol giai.
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Ta c6: M, Q lan lugt 1a trung diém ctia AC,CD = MQ la duong trung
binh ctia tam giac CAD = MQ || AD (1).

Ta c6: R,T lan lugt la trung diém ctia SA,SD = RT la duong trung
binh ctia tam giac SAD = RT || AD (2).

T (1), (2) suy ra: MQ || RT.

Chon dap an O

Cau 13. Cho hinh chép S.ABCD c6 diy ABCD la hinh binh hanh. Goi I, J, E, F lan lugt 1a trung diém
SA,SB,SC,SD. Trong cac duong thing sau, dudng thing ndo khong song song véi 1.J?
A. EF. B. DC. C. AD. D. AB.
“Loi giai.
Ta c¢6 IJ || AB (tinh chat duong trung binh trong tam gidc SAB) va
EF || CD (tinh chat dudng trung binh trong tam giac SCD).
Ma CD || AB (déy la hinh binh hanh)
= CD | AB || EF | IJ.

Chon dép an (C) O

Cau 14. Cho tit dien ABCD. Goi M, N la hai diém phan biét cting thuoc duong thing AB. P,Q la hai
diém phan biét cting thuoc duong thing C'D. Xét vi tri tuong dbi ctia hai dudng thing M P, NQ.

A. MP | NQ. B. MP = NQ. C. MP cat NQ. D. M P, NQ chéo nhau.
#Loi giai.
Xét mat phang (ABP).
Ta c¢6: M, N thuoc AB = M, N thuoc mit phéang (ABP).
Mat khac: CD N (ABP) = P.
Ma: Q € CD = Q ¢ (ABP)
= M, N, P,Q khong dong phéng.

Chon dap an @ [l

Cau 15. Cho hinh chép S.ABCD c6 diy ABCD la hinh binh hanh. Goi d 1 giao tuyén ctia hai mat phang
(SAD) va (SBC). Khing dinh nao sau day ding?

A. d qua S va song song v6i BC. B. d qua S va song song v6i DC.
C. d qua S va song song v6i AB. D. d qua S va song song véi BD.
“LGi giai.
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(SAD) N (SBC) = S
Ta ¢6 { AD C (SAD),BC ¢ (SBC) g

AD | BC
= (SAD) N (SBC) = Sz || AD || BC (véi d = Sz).

Chon dap an @ O

Cau 16. Cho tit dien ABCD. Goi I va J theo thit tu la trung diém ctia AD va AC, G la trong tam tam
giac BCD. Giao tuyén clia hai mit phiang (GI.J) va (BCD) la dudng thing

A. qua I va song song vGi AB. B. qua J va song song v6i BD.
C. qua G va song song v6i C'D. D. qua G va song song v6i BC.
“HLoi giai.
(GIJ)N(BCD) =G

Tac6 < IJ C(GlJ), CD C (BCD) A
1J| CD
= (GIJ)N(BCD)=Gz || 1J || CD.
J I
C D
B
Chon dap én@ (I

Cau 17. Cho hinh chép S.ABCD c6 day la hinh thang véi cac canh day 1a AB va CD. Goi (ACI) lan
lugt 1 trung diém ctia AD vi BC va G la trong tam clia tam giac SAB. Giao tuyén ctia (SAB) va (IJG)
la

A. SC. B. duong thing qua S va song song véi AB.
C. dudng thing qua G va song song véi DC. D. duong thing qua G va cit BC.
“Loi giai.
Ta c6: I, J lan luot 1a trung diém ctia AD va BC = 1J la
duong trung binh cta hinh thang ABCD = 1.J || AB ||
CD.
Goi d = (SAB)N(IJG) Ta c6: G 1a diém chung giita hai
mit phang (SAB) va (IJG)
(SAB) D AB;(IJG) D IJ
AB || IJ
=Giao tuyén d clia (SAB) va (IJG) 1a duong thang qua
G va song song v6i AB va IJ.

Mat khac: {

Chon dép an (C) 0

Cau 18. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi I 1a trung diém SA. Thiét dien
ctia hinh chép S.ABCD cét béi mit phiang (IBC) la

A. Tam giac IBC. B. Hinh thang IBCJ (J la trung diém SD).
C. Hinh thang IGBC (G la trung diém SB). D. Tt giac IBCD.
#LSi giai.
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(IBC) N (SAD) = I
Ta c6 ¢ BC C (IBC),AD C (SAD),

BC | AD
suy ra (IBC)N (SAD) = Iz || BC || AD.
Trong mit phiang (SAD):
Iz || AD, goi IsrnNSD =J=1J| BC.
Vay thiét dién ctia hinh chép S.ABCD cit bdi mit phiang (IBC) la
hinh thang IBCJ.

Chon dap an O
Cau 19. Cho tit dien ABCD, M va N lan lugt 1a trung diém AB vh AC. Mit phang (o) qua M N cit tit
dien ABCD theo thiét dien 1 da giac 7. Khing dinh nio sau day ding?

A. T la hinh ch@ nhat.

B. T la tam giac.

C. T la hinh thoi.

D. T la tam gidc hodc hinh thang ho#c hinh binh hanh.
“Loi gidd.

A A

C C

Truong hop (o) N AD = K. Suy ra T la tam giac MNK. Do d6 A va C sai.
Trudng hop («) N (BCD) =1J,v6i I € BD,J € CD; I,J khong trung D. Suy ra T 1a tit giac.
Chon dap an @ ([
Cau 20. Cho hai hinh vuéng ABCD va CDIS khong thuoc mot mit phing va canh bing 4. Biét tam giac
SAC can tai S, SB = 8. Thiét dién ctia mat phing (ACI) va hinh chép S.ABCD c6 dién tich bing

A. 6V2. B. 8V2. C. 10v2. D. 9v2.
#Loi giai.
GoiO=SDnNnCI; N=ACnNBD.

N . 1

= O, N lan lugt 1a trung diem cta DS, DB = ON = §SB =4.
Thiét dien ctia mp (ACT) va hinh chép S.ABCD la tam giac
OCA.

Tam giac SAC can tai S = SC = SA = ASDC = ASDA
= CO = AO (cung la duong trung tuyén ctia 2 dinh tuong ting)

1 1
= ANOCAcantai O = Sapca = §ONAC = 5-44\/5 = 8\/5.

Chon dap an O

Cau 21. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vé6i ddy 16n AB day nhé CD. Goi M, N
lan lugt 1a trung diém ctia SA va SB. Goi P la giao diém ctia SC va (AND). Goi I la giao diém ctia AN
va DP. Hoi tit giac SABI 1a hinh gi?

A. Hinh binh hanh. B. Hinh ch@ nhat. C. Hinh vuong. D. Hinh thoi.
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&L giai.

Goi E=ADNBC,P=NENSC.Suyra P=SCnN(AND,). S T
Ta ¢6 S 1a diém chung thit nhat ctia hai mat phéng (SAB) va N /,/
(SCD); I = DPN AN = I la diém chung thit hai ctia hai mat
phéng (SAB) va (SCD). \\\M e
Suy ra ST = (SAB)N (SCD). Nf--A--\--=
Ma AB | CD = SI || AB || CD. Vi MN la dudng trung binh ciia o\,
tam gidc SAB va ching minh duge cling la dudng trung binh ctia P :'
tam giac SAI nén suy ra ST = AB. R T VA N
Vay SABI la hinh binh hanh. P

p< [ fC

E

Chon dap an @ O

Cau 22. Cho tit dien ABCD. Cac diém P, @ lan lugt 1a trung diém ctia AB va CD; diém R nim trén canh
. . . SA
BC sao cho BR = 2RC. Goi S 1a giao diém ctia mit phang (PQR) va canh AD. Tinh ti s ——.

SD
A 2 B. 1. C. 1 D. 1
2 3
“Loi giad.
Goi I 13 giao diém ctia BD va RQ. Néi P v6i I, cat AD tai S.
. DI BR CQ DI DI 1
Xé iac BC'D bi cét béi I H— — =1l —21=1& — ==
ét tam giac BCD bi cat béi IR, ta c6 IB RC QD (:)IB <:>IB >
. ., . 2y 1o . AS DI BP SA 1 SA
XettamglacABDblcatbleI,taco@-E-ﬁ—1®@-§-1—1@@—2
Chondépén@ O

Cau 23. Cho tit dien ABCD va ba diém P,Q, R 1an lugt lay trén ba canh AB,CD, BC. Cho PR || AC va
CQ = 2QD. Goi giao diém ctia AD va (PQR) 14 S. Chon khing dinh ding?

A. AD =3DS. B. AD =2DS. C. AS=3DS. D. AS =DS.

L1 giai.
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iR e g ) e e T b1 e
IB RC QD QD Y IB RC 2 IB 2 BR’
RC AP DI 1 AP
iP i A e B
Chon dap an@ O
. . . ~ e e . . .. 3 . . GA
Cau 24. Goi G la trong tam t dien ABCD. Goi A’ 1a trong tam ctua tam giac BCD. Tinh ti s6 oA
1 1
A. 2. B. 3. C. -. D. —.
3 2

L giai.

Goi FE 1a trong tam ctia tam giac ACD, M la trung diém ciia CD.
No6i BE cat AA’ tai G suy ra G la trong tam t dien.
ME MA 1 AE

1
Xét t MAB, ¢c6 —— == AE || AB —.
ét tam giac co VA~ B 3 SWra I = 15~ 3

AE A 1 A
Khi dé, theo dinh Ii Talet suy ra 15 = Ag = 3 = gA’ = 3.

Chon dap an ([

Cau 25. Cho tt dien ABCD trong dé c6 tam giac BC'D khong can. Goi M, N lan lugt la trung diém ctia
AB,CD va G la trung diém ctia doan M N. Goi A; 1a giao diém ctia AG va (BCD). Khang dinh nao sau
day duang?
A. A la tam duong tron tam giac BC'D. B. A; 1a tam duong tron noi tiép tam giac BCD.
C. A la tryc tam tam giac BCD. D. A; la trong tam tam giac BCD.
“ LG giai.
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Mit phang (ABN) cat mit phang (BCD) theo giao tuyén BN.
Ma AG C (ABN) suy ra AG cit BN tai diém A;.
Qua M dyng MP || AA; v6i P € BN. C6 M la trung diém ctia AB suy ra P la trung diém BA; = BP =

PA;. (1)

Tam giac MNP ¢6 MP | GA; va G 1a trung diém ctia M N.

= Ay la trung diém ctia NP = PA; = NA;. (2)
BA 2 )

Tu (1), (2) suy ra BP = PA; = AiN = B—Nl =3 Ma N la trung diem cta CD, do d6, A; la trong tam

cua tam giac BCD.
Chon dap an @ O

Cau 26. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Thiét dién ctia hinh chép khi cit béi
mit phang qua trung diém M ctia BC, song song v6i BD va SC' 1a hinh gi?
A. Tam giac. B. Ngu giac. C. Luc giac. D. Tu giac.
“ Lo giai.
Goi N, P, R lan lugt 1a trung diém CD, SD va SB.
Goi I 13 giao diém ctia AC v MN.
T I ké I(Q) song song vé6i SC.
Taco MR || IQ || NP | SC = (MNPQR) || SC. (1)
Ta c6 MN | BD = (MNPQR) | BD. (2)
Tu (1) va (2) ta duge thiét dien can tim 1a ngi giac M NPQR.

Chon dap an O
Cau 27. Trong cac khing dinh sau, khing dinh nao ding?

A. Hai duong thang phan biét khong cit nhau thi song song.

B. Hai dudng thidng khong cting ndm trén mot mit phang thi chéo nhau.

C. Hai duong thang khong c6 diém chung thi chéo nhau.

D. Hai duong thang khong c6 diém chung thi song song véi nhau.
“HLoi giai.

— “Hai duong théng khong c6 diém chung thi chéo nhau” la sai vi hai duong théng dé c6 thé song song.

— “Hai duong thing phan biét khong cit nhau thi song song” 1a sai vi hai dudng thing d6 cé thé chéo
nhau.

— “Hai duong thédng khong cting ndm trén mot mit phing thi chéo nhau” 1a ding.

— “Hai duong thing khong c6 diém chung thi song song véi nhau” 1a sai vi hai duong thing d6 c6 thé
chéo nhau.

Chon dap an O
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Cau 28. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi AD || BC. Giao tuyén ctia (SAD) va
(SBC) la
A. Duong thang di qua S va song song véi AB. B. Dutng thing di qua S va song song véi AC.
C. Duong thang di qua S va song song véi AD. D. Dudng thing di qua S va song song véi CD.
“Lo1 giai.
S e (SAD)N(SBC)
Ta c6 ¢ BC || AD S

BC c (SBC); AD C (SAD)
Suy ra giao tuyén ctia (SAD) va (SBC) la dudng thing di qua
S va song song véi AD.

Chon dap an @ (I

Cau 29. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M 13 mot diém thuoc doan SB
(M khéac S va B). Mit phiang (ADM) ¢t hinh chép S.ABCD theo thiét dién la

A. Hinh binh hanh. B. Tam giac. C. Hinh chit nhat. D. Hinh thang.
#Loi giai.

s {M € (ADM) N (SBC)

AD || BC 2
= (ADM)N (SBC) =Mz || AD || BC.
Trong mat phiang (SBC), goi N = Mz N SC. M

Do d6, ADNM la thiét dien ctia S.ABCD cit bdi mat phang (ADM).
Vi AD || MN va MN < AD nén ADN M 1la hinh thang.

Chon dap an @ O

Cau 30. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N, K lan lugt 13 trung
diém ctia CD,CB,SA. Goi H la giao diém ctia AC va MN. Giao diém ctia SO v6i (MNK) la diém E.
Hay chon céch xac dinh diém E dang nhat trong bén phuong 4n sau

A. F la giao cia M N va SO.
B. FE la giao cia KN va SO.
C. FE la giao cia KH va SO.
D. F la giao cia KM va SO.

L1 giai.
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Trong (SAC): KHNSO = E suy ra SON(MNK) =E.

Chon dép an (C) O

Cau 31. Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh. Giao tuyén cia (SAB) va (SCD) la

A. Duong thang di qua S va song song véi AB. B. Duong thing di qua S va song song véi BD.
C. Duong thang di qua S va song song véi AD. D. Duong thing di qua S va song song véi AC.
“Loi giai.
Ta ¢c6 AB | CD va AB C (SAB), CD C (SCD) nén giao tuyén cta
(SAB) va (SCD) la duong thing di qua S va song song v6i AB.

Chon dap an @ O

Cau 32. Cho hinh chép S.ABCD, day ABCD la hinh binh hanh. Giao tuyén ctia hai mit phang (SAD)
va (SBC) la duong thing song song véi dudng thing nao sau day?

A. AC. B. DC. C. AD. D. BD.

Lo giai.

Ta c6
S e (SAD)N(SBC)
AD || BC
AD C (SAD), BC C (SBC)
= (SAD)N(SBC)=d,ddiqua Svadl| AD || BC.
Chon dap an @ O

Cau 33. Cho titdien ABCD c6 M, N 1a hai diém phan biét trén canh AB. Ménh dé nao sau day ding?

A. CM va DN chéo nhau. B. CM va DN cat nhau.
C. CM va DN dong phang. D. CM va DN song song.
AL giai.
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Gia st CM va DN dong phing. Khi dé, ta c6 A, B ciing thuoc A
mat phang (M NDC), suy ra A,B,C,D dong phing, trai gia thiét

ABCD la tit dién.

Vay CM va DN chéo nhau.

C
Chon dap an @ O

Cau 34. Cho hinh chép S.ABCD cé ddy ABCD la hinh binh hanh. Lay hai diém M va N trén hai canh
SB, SD sao cho SM = 2MB; SN = 2N D, dudng thang SC cit mit phing (AMN) tai C’. Tinh ti s6
SC’
k= :
5 3 2 1 1
A.k:Z. B. k=-. C. k=-. D. k=—.

&La1 giai.

Goi O la tam ctia hinh binh hanh ABCD, G la giao diém ciia M N va SO. Dé thay G la trong tam tam
sC 1

sC 2
Chon dap an @ O

giac SAC, suy ra

Cau 35. Cho ba mit phang phan biét cit nhau titng doi theo ba giao tuyén dy,ds,ds, trong dé d; song
song v6i do. Khi d6 vi tri tuong doi clia do va ds 1a
A. chéo nhau. B. cit nhau. C. song song. D. trung nhau.
“Loi giai.
Day 1a noi dung hé qua ctia dinh 1y vé ba giao tuyén trong Sach Gido Khoa.

Chon dap an (C) 0
Cau 36. Néu ba dusng thang khong ciing ndm trong mot mat phang va doi mot cat nhau thi

A. ba dudng thang dé tao thanh mot tam giac. B. ba duong thang d6 dong quy.

C. ba duong thing do6 tring nhau. D. khong cé ba duong thing nhu vay.

LS giai.

Néu ba dudng thing khong cting nim trong mot mit phing va doi mot cit nhau thi ba dudng thang do
dong quy.

Chon dap an @ ([

Cau 37. Tim ménh dé sai trong cac ménh dé sau
A. Ton tai duy nhat mot dudng thing qua mot diém va song song véi mot dudng thing.
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B. Ton tai duy nhat mot dudng thing di qua mot diém va vuong géc véi mot mit phing.

C. Hai duong thing song song thi dong phing.

D. Hai duong thang khong dong phang thi khong c6 diém chung.
“Lai giai.
Meénh dé "Ton tai duy nhat mot duong thing qua mot diém va song song véi mot dudng thing" sai vi néu
diém do6 thudc dudng théng da cho thi khong ton tai dudng thing ndo di qua diém dé va song song véi
dudng thing cho trudc.
Chon dap an @ O
Cau 38. Ba mat phang phan biét cit nhau timg doi mot thi ba giao tuyén ctia chiing sé c6 bao nhiéu vi
tri tuong do6i?

A 1. B. 2. C. 3. D. 4.
“LGi giai.
Ba mat phang phan biét cit nhau ting doi mot thi ba giao tuyén song song hodc dong quy.
Chon dap an O
Cau 39. Cho hinh chép S.ABCD cé day ABCD la hinh thang, goi O la giao diém ctia hai dudng chéo AC
va BD. Biét AB || CD va AB = gC’D. Goi N la trung diém canh SB va P la giao diém ctia duong thang

, . PO
DN v6i mat phang (SAC). Tinh ti so Pg
2 3 2 3
A Z B. °. c. Z. D. 2.
5 7 7 5
&Loi giai.
Dung OK || SB, K € DN.
Sy PO _OK _OK _ DO
W Be T 9N T NB DB
My 2B _3 0B _3
CD 2 D 2
Sy PO 2
uy ra —— = —.
Y Ppg 75
Chon dap z’m@ O

Cau 40. Cho tt dien ABCD. Goi M, N lan lucgt 1a trung diém ctia AB, AC, E la diém trén canh CD sao
cho ED = 3EC. Thiét dién tao bdi mit phang (MNE) va tit dien ABCD la
A. Tam gidc MNE.
B. Hinh thang MNEF véi F 1a diém trén canh BD sao cho EF || BC.
C. T gisac MNEF vé6i F la diém bat ky trén canh BD.
D. Hinh binh hanh MNEF véi F la diém trén canh BD sao cho EF || BC.
“Loi giai.
e Thiét dién 1a tit gidc MNEF A
e MN || EF va MN # EF nén MNEF la hinh thang.

F
B

Chon dap an 0
Cau 41. Cho tt dien ABCD. biém M thudc canh BC sao cho MC = 2M B, cac diém N, P lan lugt 1a

. . . . QC
trung diem cta BD, AD. Goi @ 1a giao diém ctia AC' v6i mét phang (M N P), tinh ti s6 gA
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QC 3 QC 5 QC QC 1
A —=—. B — =_. C. =—=2. D —=-.
QA 2 QA 2 QA QA 2
#LS gidi.
QM chinh la giao tuyén ctia mit phing (M N P) véi mat phing (ABC). A
Vado NP | AB nén QM || AB. Suy ra
QC _ MC 5
QA MB 7 p
D
B
M
C
Chon dap an (C) 0

Cau 42. Cho hinh chép S.ABCD c6 day ABCD la hinh thang, AD || BC, AD = 2BC. Goi M la trung
diém SA. Mit phiang (M BC) cit hinh chép S.ABCD theo thiét dién 13

A. mot hinh binh hanh. B. mot tam giac.

C. mot hinh tit giac (khong 1a hinh thang). D. mot hinh thang (khong 1a hinh binh hanh).
“Loi giai.
Goi N la giao ctia SD va mat phang (M BC). Do cic mat phing S

(M BC') va (SAD) lan lugt chita hai duong song song 1a BC va AD,
nén giao tuyén ctia chiing cling song song véi hai duong do, tiic M N ||
AD. Suy ra N la trung diém ctia SD. M
Khi d6, M N la duong trung binh ctia tam giac SAD, suy ra MN =

1 .
§AD = BC. Vay, thiet dien BCNM la mot hinh binh hanh.

A D

B C
Chon dap an @ O
Cau 43. Cho tit dien ABCD. Goi M, N 1a trong tam cua hai tam giac ABC va ACD. Khi d6 ta ¢6

A. MN cat BC. B. MN || BD. C. MN cit AD. D. MN || CD.
#“Lai giai.
. DN BM 2

Goi I 1a trung diém cia doan AC = I = BI = 3 D
= MN || BD.

B C

I
A

Chon dap an O

Cau 44. Trong cac ménh dé sau ménh dé nao dang?
A. Trong khong gian, hai duong thang phan biét ciing vuong géc véi dudng thing thit ba thi song song
v6i nhau.
B. Hai duong thing phan biét ciing vuéng géc véi nhau thi ching cit nhau.
C. Hai duong thing phan biét cting vuong géc véi duong thang thit ba thi vuong goéc véi nhau.
D. Cho hai dudng thing song song, dudng thing thit ba vuong géc véi dudng thang thit nhat thi ciing
vuong goéc v6i dudng thang thit hai.
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#L37 gidi.

Ménh dé “ Cho hai duong thing song song, duong thing thit ba vuoéng géc véi dudng thing thit nhéit thi
ciing vuong géc v6i duong thang thit hai ” 13 ménh dé ding.

Chon dap an (D) O

Cau 45. Cho ti dien ABCD. Goi M va N lan lugt 1a trung diém AB va AC, E la diém trén canh CD véi
ED = 3EC. Thiét dién tao bdi mat phang (M NE) va tit dien ABCD la

A. Tam giac MNE.

B. Tt gisc MNEF véi F 1a diém bat ki trén canh BD.

C. Hinh binh hanh MNEF vé6i F 1a diém trén canh BD ma EF || BC.

D. Hinh thang MNEF véi F 1a diém trén canh BD ma EF || BC.
“ Lo giai.

M va N lan lugt 1a trung diém AB vi AC nén M N || BC vi MN = A
1
§BC.
Qua F ké duong thing song song v6i BC, cit BD tai F thi EF || MN.
EF DE 3 3
Tact) =—=—=-=FEF=-B MN. M
a co BC ~ DC ~ 4 = =1 C >
Vay thiét dién tao bdi mat phang (M NE) va ti dien ABCD la la hinh
thang MNEF.
B D
E
C
Chon dap an @ (I

Cau 46. Trong khong gian cho dudng thing A va diém O khong nim trong A. Qua O c6 may dudng thing
song song vGi A?
A. 2. B. 3. C. 1 D. Vo sb.
Lo giai.
Qua O c6 duy nhat mot dusng thang song song véi A.
Chon dap an @ O

Cau 47. Trong cac ménh dé sau day, ménh dé ndo ding?

A. Hai duong thang phan biet khong chéo nhau thi cit nhau.

B. Hai duong thing phan biét khong song song thi chéo nhau.

C. Hai duong thang phan biét ciing ndm trong mot mat phang thi khong chéo nhau.

D. Hai dudng thédng phan biét 1an lugt thuoc hai mat phang khac nhau thi chéo nhau.
“Loi giai.
Hai dudng thang cting ndm trong mot mit phang thi c6 ba vi tri twong doéi la: song v6i nhau, tring nhau
va cit nhau. Do dé hai duong thang phan biét cting ndm trong mot mat phang thi khong chéo nhau.
Chon dap an @ O

Cau 48. Cho hai duong thang phan biét a va b trong khong gian. C6 bao nhiéu vi tri tuong dbi gitta a va
b?

A. 3. B. 1. C. 2 D. 4.
“Loi giai.
Hai dudng thang phan biét a va b trong khong gian ¢6 3 vi tri tuwong d6i: Cat nhau, chéo nhau va song song
véi nhau.
Chon dap an @ ([l

Cau 49. Cho ttt dien ABCD. Goi I, J va K lan lugt 1 trung diém ctia AC, BC va BD. Giao tuyén cla
hai mat phang (ABD) va (IJK) la dudng thang

A. KD. B. qua K va song song véi AB.

C. KI. D. qua I va song song v6i JK.
“Lai giai.
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Ta ¢6 diém K la diém chung ctia hai mat phéng (ABD) va (IJK). A
Mit khéc ta ¢6 I.J | AB, IJ € (IJK), AB C (ABD).
Suy ra giao tuyén ctia hai mit phang (ABD) va (IJK) la duong thing

di qua diém K va song song véi AB. x
B D
J
C

Chon dap an O
Cau 50. Cho ba dudng thing doi mot chéo nhau. Ménh dé nao ding trong cac ménh dé sau.

A. Khong c6 duong thang nao cit ca ba dudng thang da cho.

B. C6 dung hai duong théng cit ca ba duong thing da cho.

C. C6 vo s6 duong thing cit ca ba duong thing da cho.

D. C6 duy nhat mot dudng thing cit ca ba dusng thang da cho.
Lo giai.
Chon dap an @ O
Cau 51. Trong khong gian cho hai dudng thang song song a va b. Két luan nao sau day ding?

A. Néu c cét a thi ¢ va b chéo nhau. B. Néu ¢ || a thi ¢ || b hodic ¢ = b.

C. Néu ¢ va a chéo nhau thi ¢ va b chéo nhau. D. Néu c va a cit nhau thi ¢ va b cit nhau.

“LG1 giai.
Cho hai duong thang a va b song song, néu duong thang c song song véi a thi ¢ song song hoic tring véi b.
Chon dap an O

Cau 52. Cho hinh chép S.ABCD c6 day ABCD la hinh thang, day 16n 1a CD. Goi M la trung diém ctia
canh SA, N la giao diém ctia canh SB va mit phang (M CD). Ménh dé nao sau day 14 meénh dé ding?

A. MN va SD cat nhau. B. MN | CD.

C. MN va SC cit nhau. D. MN va CD chéo nhau.
#L3i giai.
Hai mit phang (SAB) va (MCD) lan lugt chita hai dudng thang song S

song AB, CD va MN la giao tuyén ctia ching néen M N || CD.

Chon dap an O

Cau 53. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi G 1a trong tam tam giac ABC' va

. . . . KS
M la trung diem SC. Goi K la giao diem cua SD véi mat phang (AGM). Tinh ti so XD
1 1
A —. B. -. C. 2 D. 3.
2 3

L1 giai.
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Goi N, P lan lugt la giao diém ctia AG véi CB, CD ta c6

K = PMNSD. Goi L 1a trung diém ctia KD thi CL || MK. Suy
. K 1
ra K la trung diem ctia SL. Do vay KD = 2K .S, hay XD -3

Chon dap én (A) O

Cau 54. Trong cdc ménh dé sau, ménh dé nao ding?
A. Hai duong thang khong song song thi chéo nhau.
B. Hai duong thang chéo nhau thi khong c¢6 diém chung.
C. Hai duong thing khong cit nhau v khong song song thi chéo nhau.
D. Hai duong thang khong c6 diém chung thi chéo nhau.
“Loi giai.
Hai duong thing chéo nhau la hai dudng thing khong cling nim trong mot mat phang va khong c6 diém
chung.

Chon dap an O

Cau 55. Cho tit dien déu ABCD c6 canh bang a. Goi G1, Go 1an luct 1a trong tam ciia tam giac BOD va
ACD va G la giao diém ctia AG; vd BGy. Tinh dién tich ciia tam gidac GAB.
V3 g, 3°V2 c. BV3, p “V2

8 8 8 8
#Loi giai.
Goi M, H lan lugt 1a trung diém CD, AB.

Ta c6 AM = BM = a\2/§ nén AABM can tai M, suy ra MH 1 AB, dan

2 2
téiMH:\/AMZ—AH2:\/3Z—C;:a\2/§.
AB-HM  a*V2

A.

Dién tich AABM 1a Sapy =

2 4

MG, MG, 1 BG  AB
Lai o6 _ _1 AB= 22 — =3

aied T = 3 lAB= e GG, T

. 1 av2
Dan t6i Sapg = = SaBa, = =Sapm = .

4 2 8

Chon dap an @ O

Cau 56. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh, M, N lan lugt 13 trung diém cta
cac canh AB va SC. Goi I,J theo thit tu la giao diém ciia AN, MN v6i mat phang (SBD). Tinh k =
IA n JM
IN JN°

A k=4 B. k=5. C. k=2 D. k=3.
“ LG giai.
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Goi O la giao diém ctia AC va BD, khi dé SO la giao tuyén cta

(SBD) va (SAC) nén I la giao diém ctia AN va SO.

Vi O, N la trung diéem AC, SC nén I la trong tam tam gidc SAC,
IA

— =2
suy ra oo

Goi K la giao diém ctia MC va BD, khi d6 SK 1a giao tuyén cta
(SBD) va (SMC) nén J la giao diém cia M N va SK.

Vi O, M la trung diém AC, AB nén K la trong tam tam giac ABC,
suy ra CK =2MK.

Goi G 1a trung diém ctia KC thi NG la dudng trung binh ASKC
nén SK | NG. Lai ¢6 K la trung diém MG nén J la trung diém

JM

Vay k = 3.

Chon dap an @ O

Cau 57. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Thiét dién ctia hinh chép khi cit béi
mit phang qua trung diém M ctia BC, song song v6i BD va SC' 1a hinh gi?
A. Tam giac. B. Ngii giac. C. Luc giac. D. Tu giac.
#Loi giai.
Goi N, P, R lan lugt la trung diém CD, SD va SB.
Goi I 13 giao diém ctia AC v MN.
T I ké IQ song song véi SC.
Tacé MR | IQ || NP || SC = (MNPQR) | SC. (1)
Tacé MN || BD = (MNPQR) || BD. (2)
Tu (1) va (2) ta duge thiét dién can tim 1a ngi gide M N PQR.

Chon dap an 0

Cau 58. Trong cac khing dinh sau, khing dinh nao dang?
A. Hai duong thang phan biet khong cit nhau thi song song.
B. Hai duong thing khong cting ndm trén mot mat phéng thi chéo nhau.
C. Hai duong thang khong c6 diém chung thi chéo nhau.
D. Hai dudng thang khong c6 diém chung thi song song véi nhau.
“Loi giai.

— “Hai duong théng khong c6 diém chung thi chéo nhau” la sai vi hai duong thing dé c6 thé song song.

— “Hai duong thing phan biét khong cit nhau thi song song” 1a sai vi hai dudng thing d6 cé thé chéo
nhau.

— “Hai duong thang khong cling ndm trén mot mit phang thi chéo nhau” 1a ding.

— “Hai duong thing khong c6 diém chung thi song song véi nhau” 1a sai vi hai duong thing d6 c6 thé
chéo nhau.

Chon dap an @ ([

Cau 59. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi AD || BC. Giao tuyén ctia (SAD) va
(SBC) la

A. Duong thing di qua S va song song véi AB. B. Duong thing di qua S va song song véi AC.

C. Dudng thing di qua S va song song véi AD. D. Duong thing di qua S va song song véi CD.
“Lai giai.
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S e (SAD)N(SBQC)

Ta c6 { BC || AD S
BC c (SBC); AD C (SAD)

Suy ra giao tuyén ciia (SAD) va (SBC) la duong thing di qua

S va song song véi AD.

Chon dap an @ ([

Cau 60. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi M 1a mot diém thudc doan SB
(M khac S va B). Mit phiang (ADM) c&t hinh chép S.ABCD theo thiét dién la

A. Hinh binh hanh. B. Tam giac. C. Hinh chi nhat. D. Hinh thang.
“HLoi giai.

s {M e (ADM) N (SBO)

AD || BC 2
= (ADM)N (SBC)= Mz || AD || BC.
Trong mit phang (SBC), goi N = Mz N SC. M

Do d6, ADNM la thiét dien ctia S.ABCD cat bdi mit phang (ADM).
ViAD || MN va MN < AD nén ADN M la hinh thang.

Chon dap an @ O

Cau 61. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N, K lan lugt 1a trung
diém ctia CD,CB,SA. Goi H la giao diém ctia AC va M N. Giao diém ctia SO v6i (MNK) la diém E.
Hay chon céch xéc dinh diém F ding nhat trong bén phuong 4n sau

A. F la giao cia M N va SO.
B. FE la giao cia KN va SO.
C. F la giao cia KH va SO.
D. F la giao cia KM va SO.

L1 giai.
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Trong (SAC): KHNSO = E suy ra SON(MNK) =E.

Chon dap an @ O

Cau 62. Cho hai mit phing (P), (Q) cit nhau theo giao tuyén la duong thing d . Dudng thing a song
song véi ca hai mat phang(P), (Q). Khang dinh nao sau day ding?

A. a, d trung nhau. B. a, d chéo nhau. C. a song song d. D. a, d cit nhau.
“ Lo giai.
St dung hé qua: Néu hai mat phing phan biét ciing song song véi mot duong thing thi giao tuyén clia
chiing (néu c6) ciing song song véi dudng thang do.
Chon dép an (C) 0

Cau 63.
Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh tam
O. Goi M, N, K lan lugt 1 trung diém ctia CD, CB, SA. H 1a
giao diém ctia AC vd M N. Giao diém ctia SO véi (MNK) la
diém E. Hay chon cach xac dinh diém E ding nhat trong bén
phuong an sau.

A. FE la giao cia M N véi SO.

B. FE la giao cia KN véi SO.

C. FE la giao cuia KH vé6i SO.

D. F la giao cia KM véi SO.

&LE1 giai.

. EeKHC(KMN)
Goi E=KHNSO =

E eSO
Chon dap an @ O

Cau 64. Néu hai mat phang phan biet lan luct chita hai dudng thing song song thi giao tuyén ctia ching
(néu co) sé:
A. Song song véi hai duong thang do.
B. Song song véi hai duong thang d6 hodc triing v6i mot trong hai dudng thing dé.
C. Trung véi mot trong hai dudng thing doé.
D. Cit mot trong hai duong théng do.
“Loi giai.
Theo 1y thuyét
Chon dap an @ ([

Cau 65. Trong cac ménh dé sau, ménh dé nao sai?
A. Hai dudng thiang khong c6 diém chung thi chéo nhau.

= E=50n(KMN).

B. Hai dudng thiang chéo nhau thi khong c6 diém chung.

C. Hai duong thang phan biet khong cit nhau va khong song song thi chéo nhau.

D. Hai duong thing phan biet khong chéo nhau thi hosic cit nhau hoidc song song.
“Loi giai.
Hai duong thing khong cé diém chung thi chiing song song (khi ching dong phéng) hosic chéo nhau (khi
chiing khong dong phang).
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Chon dap an @ O

Cau 66. Trong cdc ménh dé sau, ménh dé nao ding?
A. Hai duong thing c6 mot diém chung thi ching c6 vo s6 diém chung khac.
B. Hai duong thing song song khi va chi khi chiing khong diém chung.
C. Hai duong thing song song khi va chi khi ching khong dong phing.
D. Hai dudng théng chéo nhau khi va chi khi chiing khong dong phing.
“Loi giai.

— Menh dé “Hai dudng thing c6 mot diém chung thi ching c6 vo sé diém chung khac” sai vi trong trudng
hop 2 dudng thang cit nhau thi ching chi ¢6 1 diém chung.

— Menh dé “Hai duong thing c6 mot diém chung thi ching c6 vo s6 diém chung khac” sai vi hai duong
thing song song khi v& chi khi chiing dong phing va khong c6 diém chung.

— Menh dé “Hai duong théng song song khi va chi khi ching khong dong phang” sai vi hai dudng thing
song song khi va chi khi ching dong phing va khong c6 diém chung.

Chon dap an @ O

Cau 67. Cho hai dudng thing chéo nhau a va b. Ly A, B thuoc a va C, D thudc b. Khing dinh nao sau
day dtng khi né6i vé hai duong thing AD va BC?

A. C6 thé song song hoic cit nhau. B. Ciat nhau.

C. Song song véi nhau. D. Chéo nhau.
£ giai.
Theo gia thiét, a va b chéo nhau = a va b khong dong phang. B
Gia stt AD va BC dong phéng. a_"
Néu ADNBC =1 = I € (ABCD) = I € (a;b). /A/,'/
Ma a va b khong ddng phing, do dé, khong ton tai diém I. / ! :'

Néu AD || BC = a va b dong phing (Mau thuin véi gia thiét).
Vay diéu gid sit 1a sai. Do d6 AD va BC' chéo nhau.
C
b
D

Chon dap an (D) 0

Cau 68. Trong khong gian, cho 3 dudng thing a, b, c, biét a || b, @ v ¢ chéo nhau. Khi d6 hai dutng thang
bvac
A. trung nhau hoédc chéo nhau. B. cit nhau hoac chéo nhau.
C. chéo nhau hodc song song. D. song song hodc trung nhau.
“Loi giai.
Gid st b || ¢ = c || a (mau thuan véi gia thiét).
Chon dap an O

Cau 69. Trong khong gian, cho ba dudng thang phan biét a, b, ¢ trong d6 a || b. Khang dinh nao sau day
sai?
A. Néual cthid]ec.
B. Néu c cit a thi c cit b.
C. Néu A € a va B € b thi ba dudng thing a, b, AB cing & trén mot mit phing.
D. Ton tai duy nhat mot mat phing qua a va b.
“Loi giai.
Néu c cit a thi ¢ cit b hoadc ¢ chéo b.

Chon dap an O

Cau 70. Cho hai dudng thing chéo nhau a, b va diém M & ngoai a v ngoai b. Cé nhiéu nhat bao nhieu
dudng thing qua M cét ca a va b?

A 1. B. 2. C. 0. D. Vo so.
“Lai giai.
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dudng thing b va M.
Gia st ¢ 1a dudng thing qua M cit ci a va b.

= CEP:> =PNQ ’
ceQ c= . a /M

Vay chi c6 1 duong thing qua M cét ci a va b.

Chon dap an @ O

Cau 71. Trong khong gian, cho 3 dudng thang a, b, ¢ chéo nhau titng doi. C6 nhiéu nhat bao nhiéu dudng
thang cit ca 3 duong thang ay?
A 1. B. 2. C. 0. D. Vo6 sb.
#L31 giai.
Goi M la diém bat ki ndm trén a.
Gia sit d 1a duong thang qua M cit ca b v c. Khi do, d 1a giao tuyén ciia miit phing tao bdi M va b v6i
mit phing tao bdi M va c.
V6i médi diem M ta duge mot dudng thang d.
Vay c6 vo sd duong thing cit ca 3 duong théng a, b, c.
Chon dap an @ O

Cau 72. Cho hinh chép S.ABCD c6 AD khong song song v6i BC. Goi M, N, P,Q, R, T lan lugt 1a trung
diém AC, BD,BC,CD,SA,SD. Cap duong thing nao sau day song song véi nhau?

A. MP va RT. B. MQ va RT. C. MN va RT. D. PQ va RT.
“L3i giai.
Ta c6: M, Q lan lugt 1a trung diém ctia AC,CD = MQ la dudng trung
binh ctia tam giac CAD = MQ || AD (1).
Ta c6: R,T lan lugt la trung diém ctia SA,SD = RT la duong trung
binh ctia tam giac SAD = RT || AD (2).
T (1), (2) suy ra: MQ || RT.

Goi P la mit phing tao bdi duong thing a va M; @ la mat phang tao béi /\
c

Chon dap an O

Cau 73. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi I, J, E, F lan lugt 1a trung diém
SA,SB,SC,SD. Trong cac duong thang sau, duong thing nao khong song song véi 1.J?
A. EF. B. DC. C. AD. D. AB.
#Loi giai.
Ta ¢6 IJ || AB (tinh chat dudng trung binh trong tam giac SAB) va
EF || CD (tinh chat dudng trung binh trong tam giac SCD).
Ma CD || AB (day la hinh binh hanh)
= CD | AB || EF | IJ.

Chon dap an @ O

Cau 74. Cho tit dien ABCD. Goi M, N la hai diém phan biét ciing thuoc duong thing AB. P,Q la hai
diém phan biét ciing thuoc dudsng thing CD. Xét vi tri tuong déi ctia hai dudng thing M P, NQ.
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A. MP || NQ. B. MP = NQ. C. MP cit NQ. D. MP,NQ chéo nhau.
“Lo1 giai.
Xét mit phang (ABP).
Ta c¢6: M, N thuoc AB = M, N thuoc mit phiang (ABP).
Mit khéc: CD N (ABP) = P.
Ma: Q € CD = Q ¢ (ABP)
= M, N, P,(Q khong dong phing.

Chon dap an @ O

Cau 75. Cho hinh chép S.ABCD c6 diy ABCD la hinh binh hanh. Goi d 1 giao tuyén ctia hai mat phang
(SAD) va (SBC). Khiang dinh nao sau day ding?
A. d qua S va song song vii BC. B. d qua S va song song véi DC.
C. d qua S va song song v6i AB. D. d qua S va song song v6i BD.
“Loi giai.
(SAD)N(SBC) =S
Ta c6 { AD C (SAD),BC C (SBC) S
AD || BC
= (SAD)N (SBC) = Sz || AD || BC (véi d = Sx).

Chon dap an (A) O

Cau 76. Cho tit dien ABCD. Goi I va J theo thit tu 1a trung diém ctia AD va AC, G la trong tam tam
gidc BCD. Giao tuyén ctia hai mat phang (GI.J) va (BCD) la dudsng thang

A. qua I va song song vGi AB. B. qua J va song song v6i BD.
C. qua G va song song v6i C'D. D. qua G va song song véi BC.
“HLoi giai.
(GIJ)N(BCD) =G

Tac6 < IJ C(GlJ), CD C (BCD) A
1J| CD
= (GIJ)N(BCD)=Gz || 1J || CD.
J I
C D
B
Chon dap én@ ([

Cau 77. Cho hinh chép S.ABCD c6 day 1a hinh thang véi cac canh day 1a AB va CD. Goi (ACI) lan
lugt 1a trung diém ctia AD va BC va G la trong tam clia tam gidc SAB. Giao tuyén ciia (SAB) va (IJG)
la

A. SC. B. duong thing qua S va song song véi AB.

C. dudng thing qua G va song song véi DC. D. duong thing qua G va cit BC.
aLoi giai.
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Ta c6: I, J lan luct 1a trung diém ctia AD va BC = 1J la
duong trung binh ctia hinh thang ABCD = 1.J || AB ||
CD.

Goi d = (SAB)N(IJG) Ta c6: G la diém chung giita hai
mat phiang (SAB) va (IJG)

(SAB) D AB;(IJG) > 1J

AB || IJ

=Giao tuyén d ciia (SAB) va (IJG) 1a dudng thing qua
G va song song v6i AB va IJ.

Mat khac: {

Chon dap an @ O

Cau 78. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi I 1a trung diém SA. Thiét dien
ctia hinh chép S.ABCD cét bsi mat phang (IBC) la
A. Tam gidc IBC. B. Hinh thang IBCJ (J la trung diém SD).
C. Hinh thang IGBC (G la trung diém SB). D. T giac IBCD.
#Loi giai.
(IBC)N(SAD) =1
Ta c6 { BC C (IBC),AD C (SAD),

BC || AD
suy ra (IBC)N (SAD) =1z || BC || AD.
Trong mat phang (SAD):
Iz || AD, goi IxnSD =J=1J| BC.
Vay thiét dién cfia hinh chép S.ABCD céat béi mat phang (IBC) la
hinh thang IBCJ.

Chon dap an O

Cau 79. Cho tit dien ABCD, M va N lan lugt 1a trung diem AB va AC. Mat phing () qua MN cat ti
dien ABCD theo thiét dién la da gidc 7. Khang dinh nio sau day ding?

A. T 1a hinh ch@ nhat.

B. T la tam giac.

C. T la hinh thoi.

D. T la tam gidc hoac hinh thang ho#c hinh binh hanh.
“Loi giai.

A A

C c

Truong hop (o) N AD = K. Suy ra T la tam giac MNK. Do d6 A va C sai.
Trudng hop («) N (BCD) =1J,vé6i I € BD,J € CD; I, J khong trung D. Suy ra T 1a tit giac.
Chon dap an @ ([
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Cau 80. Cho hai hinh vuéng ABCD va CDIS khong thuoc mot mit phing va canh bing 4. Biét tam giac
SAC can tai S, SB = 8. Thiét dién ctia mat phang (ACT) va hinh chép S.ABCD c6 dién tich bang

A. 6V2. B. 8V2. C. 10v2. D. 9Vv2.
£L3H gidi.
Goi O = SDNCI; N = AC N BD.

N . 1

= O, N lan lugt 1a trung diem cta DS, DB = ON = §SB = 4.
Thiét dien ctia mp (ACT) va hinh chép S.ABCD la tam giac
OCA

Tam giac SAC can tai S = SC = SA = ASDC = ASDA
= CO = AO (cung la duong trung tuyén ctia 2 dinh tuong ting)

1 1
= AOCA cantai O = Sroca = 5ON-AC = 5-4-4\/5 = 8/2.

Chon dap an O

Cau 81. Cho hinh chép S.ABCD c6 day ABCD la hinh thang v6i ddy 16n AB day nhd CD. Goi M, N
lan lugt 14 trung diém ctia SA va SB. Goi P la giao diém ctia SC va (AND). Goi I la giao diém ctia AN
va DP. Héi tit gidge SABI 1a hinh gi?

A. Hinh binh hanh. B. Hinh chit nhat. C. Hinh vuong. D. Hinh thoi.
L3I giai.
Goi E=ADNBC,P=NENSC. Suy ra P=SCN(AND,). S I
Ta c¢6 S la diém chung thi nhat ctia hai mit phing (SAB) va N >
(SCD); I = DPN AN = I la diém chung thit hai ctia hai mat N .7
phing (SAB) va (SCD). \ -7
Suy ra ST = (SAB)N (SCD). NF----\ -2
Ma AB || CD = SI || AB || CD. Vi M N la dudng trung binh ctia N
tam gidc SAB va ching minh duge ciing 14 dudng trung binh cla I |
tam giac SAI nén suy ra SI = AB. Aé“--—-----At/ -5 B
Vay SABI la hinh binh hanh. P

Chon dap an @ O
Cau 82. Cho tit dien ABCD. Cac diém P, Q lan luot 1a trung diém ctia AB va CD; diém R ndm trén canh
. . ., SA
BC sao cho BR = 2RC. Goi S la giao diem ctia mat phang (PQR) va canh AD. Tinh ti s0 D
1 1

A 2. B. 1. C. - D. -.
2 3

LS gia.
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Goi I 13 giao diém ctia BD va RQ. Néi P v6i I, cat AD tai S.

DI BR CQ DI DI 1
X BCD I — —— =1l 2 l=1 — =—.
ét tam giac BO'D bi cat béi IR, ta c6 B RO oD B @IB 3
AS DI BP SA 1 SA
Xét tam giac ABD bi cat béi PI, tacoS—D IB~ﬂ—1©S—D-§~1—1<:)S—D—2.
Chon dap én@ O

Cau 83. Cho tit dien ABCD va ba diem P, Q, R lan lugt 1ay trén ba canh AB,CD, BC. Cho PR || AC va
CQ = 2QD. Goi giao diém ctia AD va (PQR) 1a S. Chon khing dinh ding?

A. AD =3DS. B. AD =2DS. C. AS =3DS. D. AS = DS.
HLS giai.

Goi I 1a giao diém ctia BD va RQ. Néi P v6i I, cat AD tai S.

T . DI BR CQ—I CQ_2 DI BR 1©DI_1 RC
B TE R QD (M op TEPWRIE e =29 1B "2 BR
RC AP DI 1 AP
i nr Bp Bl 1F
Laic6 — — —=1=>— - —-— - — =1 —=2= AD = 3DS.
MCOSD IB PAT T SD 2 PB PA_ T SD 7 3D5
Chon dap an @ O
< s PR s A iy . GA
Cau 84. Goi G la trong tam ti dien ABCD. Goi A’ 1a trong tam cta tam giac BC'D. Tinh ti s A
1 1
A. 2. B. 3. C. -. D. —.
3 2
ALoi giai.
Goi E la trong tam ciia tam gidc ACD, M 1a trung diém ctia CD.
N6i BE cat AA’ tai G suy ra G la trong tam ti dien.
ME MA 1 AE 1
Xét tam giac MAB, ¢6 —— VA~ %IBE gAslzy ralA’E LiB = 1B =3
Khi do, theo dinh 1i Talet suy ra 1B 1c — 3 GA’ =3.
Chon dap an O
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Cau 85. Cho tt dien ABCD trong dé c6 tam giac BC'D khong can. Goi M, N lan lugt la trung diém ctia
AB,CD va G la trung diém ctia doan M N. Goi A; 1a giao diém ctia AG va (BCD). Khing dinh nao sau
day dang?
A. A la tam duong tron tam giac BC'D. B. A; 1a tam duong tron noi tiép tam giac BCD.
C. A; la tryc tam tam giac BC'D. D. A; 1a trong tam tam gidc BC'D.
“ Lo giai.

Mit phang (ABN) cat mit phang (BCD) theo giao tuyén BN.
Ma AG C (ABN) suy ra AG cit BN tai diém A;.
Qua M dung MP || AA; v6i P € BN. C6 M la trung diém ctia AB suy ra P la trung diem BA; = BP =

PA;. (1)

Tam gidc MNP c6 MP || GA; va G 1a trung diém ctia M N.

= Ay la trung diém ctia NP = PA; = NA;. (2)
BA 2 ,

T (1), (2) suy ra BP = PA; = AN = BNl =3 Ma N la trung diem cta C'D, do d6, A; la trong tam

cua tam giac BCD.
Chon dap an @ O
Cau 86. Cho ttt dien ABCD. Goi M, N lan lugt 1 trung diém ctia AB, AC; E 1a diém trén canh CD véi
ED = 3EC. Thiét dién tao bdi mat phing (M NE) va ti dien ABCD la
A. Tam giac MNE.
B. Tt gisc MNEF véi F 1a diém bat ki trén canh BD.
C. Hinh binh hanh MNEF vé6i F 1a diém trén canh BD ma EF || BC.
D. Hinh thang MNEF véi F 1a diém trén canh BD ma EF || BC.
“Loi giai.
Ta c6 E la diém chung ctia hai mit phing (MNE) va (BCD). Lai c6 A
MN Cc (MNE)
BC C (BCD) < Giao tuyén clia hai mat phang (M NE) va (BCD)
MN || BC M
la duong thing d di qua diém E va song song véi BC' va M N.

E
C
Trong mat phing (BCD), goi F' = dN BC. Khi d6 thiét dién tao bsi mit phing (M NE) va tit dien ABCD
13 hinh thang MNEF v6i F 1a diém trén canh BD ma EF || BC.
Chon dap én (D) O

Cau 87. Cho hai duong thing a va b. Diéu kién nao sau day di két luan a va b chéo nhau?
A. a va b khong c6 diém chung.
B. a va b 1a hai canh ctia mo6t hinh t¢ dién.
C. a vd b ndm trén hai mit phing phan biét.
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D. @ va b khong ciing nim trén bat ki mat phéng nao.
“ Lo giai.
Stta lai cho diing: a v& b khong cé diém chung va khong dong phing.
Stta lai cho ding: a va b 13 hai canh ddi ctia mot hinh t¢ dién.
Sai vi a v& b c6 thé song song.
Chon dap an @ O

Cau 88. Cho hinh lap phuong ABCD.A’B'C'D’. C6 bao nhiéu canh ctia hinh lap phuong chéo nhau véi
duong chéo AC’ ctia hinh lap phuong?

A. 2. B. 3. C. 4. D. 6.
“Loi giad.
Cac canh chéo nhau véi duong chéo AC’ cua hinh lap phuong la: A D
A'B'AD',DD',CD,BC,BB'. ‘
B {— {cr
Y Cad U
B C

Chon dap an (D) 0

Cau 89. Cho hai duong thédng phan biét a va b trong khong gian. C6 bao nhiéu vi tri tuong ddi gita a va
b?

A. 4. B. 3. C. 2 D. 1.
“Loi giai.
Hai dudng thang phan biét a va b trong khong gian cé ba vi trf tuong déi la: cit nhau, song song, chéo
nhau.

Chon dap an O

Cau 90. Cho hai dudng thing phan biét ciing nim trong mot mat phang. C6 bao nhiéu vi tri tuong déi
gitta hai duong thang d6?
A 1. B. 2. C. 3. D. 4.
“Loi giad.
Hai duong thing phan biét cling ndm trong mot mit phang c6 hai vi tri tuong déi la: cit nhau, song song.

Chon dap an O

Cau 91. Trong cac ménh dé sau day, ménh dé nao ding?
A. Hai duong thang lan lugt ndm trén hai mat phang phan biét thi chéo nhau.
B. Hai duong thang khong c6 diém chung thi chéo nhau.
C. Hai duong thang chéo nhau thi khong c6 diém chung.
D. Hai dudng thang phan biét khong song song thi chéo nhau.
LS gidi.
Theo dinh nghia ctia hai dudng thang chéo nhau thi B 14 ménh dé ding.
Chon dap an @ O

Cau 92. Cho hai dudng thang a va b chéo nhau. C6 bao nhiéu mat phing chita a va song song véi b?
A. 0. B. 1. C. 2. D. Vb s6.

“Loi giai.

Hai dudong théng a va b chéo nhau c¢6 duy nhit mot miit phang chita a v song song véi b.

Chon dap an O

Cau 93. Cho hinh lang tru tam gidc ABC.A’B'C’. Goi I, J lan lugt 1a trong tam ctia cac tam giac ABC
va A’B'C’. Thiét dién tao bdi mit phing (AIJ) véi hinh lang tru da cho la

A. Tam giac can. B. Tam giac vuong. C. Hinh thang. D. Hinh binh hanh.
#L3H gidi.
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Kéo dai Al cit BC tai M, suy ra M la trung diém BC.
(AIJ)n (A'B'C")=J
Al C (A1)

A'Jc (A'B'C)

Al || AT

Trong mat phang (A’B'C"), goi M' = A'J N B'C".

Ta 6 & (ALT) N (A'B'C") = A'J.

o iy JAM' | AM
Khi d6 thiet dién la ta giac AA'JI, t@ giac nay cé , ,
AA" || MM

AA’JI 13 hinh binh hanh.

Chon dap an @ ([

Cau 94. Tim ménh dé diang trong cdc ménh dé sau.
A. Hai duong thing phan biét ctiing ndm trong mot mit phang thi khong chéo nhau.
B. Hai duong thang phan biet khong cit nhau thi chéo nhau.
C. Hai duong thing phan biét khong song song thi chéo nhau.
D. Hai dudng thang phan biét lan lugt thudc hai mat phéng khac nhau thi chéo nhau.
“Loi giai.
Chon A.
Dap an B sai: hai dudng thing d6 c6 thé song song nhau.
Dap an C sai: hai duong thang d6 c6 thé cit nhau.
Dép an D sai: hai dudng thing dé c6 thé song song hodc cit nhau.
Chon dap an @ O
Cau 95. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Giao tuyén ctia hai mat phang (SAD)va
(SBC) la dusng thang song song véi dudng thang nao dusi day?
A. AC. B. BD. C. AD. D. SC.
“Loi giai.
Ta co
(SAD)N(SBC) =S
AD c (SAD),BC C (SBC)
AD || BC
< (SAD)N (SBC) =Sz | AD || BC.

Chon déap an (C) O
Cau 96. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Gi4 s M thuoc doan thing SB. Mat
phang (ADM) cit hinh chép S.ABCD theo thiét dién 14 hinh gi?
A. Hinh tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh chi@ nhat.
“Lo1 giai.
(ADM)N (SBC) =M
Ta c6 ¢ AD C (ADM),BC C (SBC) < (ADM)N (SBC) =
AD//BC
MN || AD || BC vé6i N € SC.
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T gidc AMND ¢6 MN || AD < AMND la hinh thang.

Chon dap an O
DAP AN

1. AJ[2. DJ[3. C]l4& B]l5. DJ6. DJl7. B|[8. B |9. A |[10. D |
11. A |[12. B |[13. C |[14. D |[15. A |[16. C |[17. C |[18. B |[19. D |[20. B

21. A |[22. A [[23. A |[24. B |[25. D |[26. B |[27. B |[28. C |[29. D |[30. C
(3. A ][32. C][33. A ][34. D |[35. C |[36. B ||37. A |[38. B |[39. A |[40. B |
(4. C ][42. A ][43. B ||44. D ||45. D |[46. C ||47. C |[48. A |[49. B |[50. C |
[51. B |[52. B |[53. A ||54. B ||55. D ||56. D ||57. B |[58. B |[59. C |[60. D |
6. C ||62. C ||63. C ||64. B ||65. A ||66. D ||67. D |[68. B |[69. B |[70. A

71. D |[72. B |[73. C ||74. D |[75. A |[76. C ||77. C |[78. B |[79. D |[80. B
[81. A ][82. A ][s3. A |[s4. B ||85. D |[86. D ||87. D |[88. D |[89. B |[90. B |
9. C ][92. B ][93. D ][94. A ]|95. C ][96. B |
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sAl3. DUONG THANG VA MAT PHANG SONG SONG

@ TOMTAT LY THUYET
€) VITRI TUONG DSI CUA DUONG THANG VA MAT PHANG

s N
Cho duong thing a vi mat phiang (P). Can cit vio s6 diém chung ciia duong thing va mit phéng ta
c6 ba trudng hop sau

a) Duong thing a va mat phing (P) khong cé diém chung, tic 13 d

an(P)=o o al (P).

b) Duong thang a va mat phang (P) chi c6 mot diém chung, tic 1a

d
an(P)=A<% acat (P) tai A. /{ \\
M

c¢) Dudng thang a vi mat phang (P) c6 hai diém chung, tic 1a d
an (P)={4,B} & ac (P). o
A J
€> DIEU KIEN DE MOT DBUONG THANG SONG SONG VI MOT MAT PHANG
4 2

Dinh 1i 1. Néu duong thing a khong ndm trong mdt phang (P) va song song vdi mot dudng thing
nao do trong (P) thi a song song vdi (P).
Ticlaa ¢ (P) thh néual dC (P)=al (P).

Dinh 1i 2. Néu duong thing a song song vdéi mat phdang (P) thi moi mat phang (Q) chita a ma cdt
(P) thi sé cdt theo mot giao tuyén song song vdi a.

al (P)
Tic la § a C (Q) =al d.

@ n(P)=d

Hé qua 1. Néu mot dudng thing song song v6i mot mit phing thi né song song v6i mot dudng
thing ndo do6 trong mit phing.

Hé qua 2. Néu hai mat phing phan biét cling song song v6i mot dudng théng thi giao tuyén (néu
c6) ctia chiing song song véi dusng thang doé.

(P)N(Q)=d
Tic la < (P) || a =d | a.
@l a
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(® CACDANG TOAN

Dang 1. Chitng minh dudng thing song song véi mat phing

Phuong phap.
Dé chitng minh duong thing d song song vdi mat phing (a) ta chitng minh d khong nam trong (o) va
song song vdi mot duong thing a nao dé ndm trong (a).

€y ViDU MINH HOA

Vi du 1. Cho tit dien ABCD c6 G la trong tam tam giac ABD. Trén doan BC lay diém M sao cho
MB = 2MC. Chiing minh ring duong thang MG song song v6i mit phang (ACD).

“L3i giai.

M
C

. N « 2 E3 2 BG 2 N ~ sz

Goi N la trung diem ctia AD. Ta c6: BN 3 (Vi G la trong tam tam giac ABD).
. BM 2

Theo gia thiét, ta ¢c6: MB =2MC = —— = —.

eo gia 1e,aC(jBG e BC — 3
Tam giac BCN c6 =——=-=MG| CN.

BN BC 3
Ma MG ¢ (ACD), CN c (ACD) = MG || (ACD).
O

Vi du 2. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N, P lan lugt
la trung diém ciia céc canh SD, CD, BC.

(1 Chitng minh duong thing OM song song vé6i cac miat phang (SAB), (SBC).

(2) Chitng minh duong thing SP song song v6i mat phang (OMN).

&L giai.
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(1) Tam giac SBD c¢6 OB = OD va MS = MD nén OM la dudng trung binh ciia tam giac SBD
= OM || SB.
Ma OM khong chita trong cidc mit phing (SAB) va (SBC) nén OM || (SAB) va OM || (SBC).

(2) Trong mit phing (ABCD), goi I 1a giao diém ctia ON va DP.
Tam giac BCD ¢6 OB = 0D va NC = ND nén ON la duong trung binh cta tam giac BCD = I 1a
trung diém ctia DP.
Tam giac SDP ¢6 MS =MD va IP = ID nén IM la dudng trung binh ctia tam giac SDP = IM ||
SP.
Ma SP ¢ (OMN), IM c (OMN) = SP || (OMN).

O
Vi du 3. Cho hai hinh binh hainh ABCD va ABEF khong ciing ndm trong mot mit phing. Trén
R . . AM BN
hai duong chéo AC, BF lan lugt lay hai diem M, N sao cho AC S BE - k (k+#0,k#1). Mt

phing () chita duong thing M N, song song v6i dudng thang AB, cit AD va AF 1an lugt tai M’ va
N’. Chitng minh ring dudsng thang M’'N’ song song v6i mit phang (DEF).

Lo giai.

Ta c6: AB || (a), AB C (ABCD) va (o) N (ABCD) = MM’ = MM’ || AB hay MM’ || CD.
Tuong tu, ta c6: AB || (), AB C (ABEF) va (o) N (ABEF) = NN’ = NN’ || AB.
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AM' AM
Tam gidgc ACD c6 MM’ || CD ==
am gidc ACD c6 | C = D = AC

AN’ BN

T: iac ABF ¢6 NN' || AB = =——=Fk(2).

am giac co AJ\J/ e F - BE (2)
Tit (1) va (2), ta 6 —o =~ =k = M'N' | DF.
Ma M'N' ¢ (DEF), DF C (DEF) = M'N' || (DEF). O
€> BAITAP REN LUYEN
Bai 1. Cho hinh chép tit gidc S.ABCD. Goi M va N lan lugt 1a trung diém ctia SA va SC. Chiing minh
MN || (ABCD).
“Loi giai.
Xét tam gidgc SAC c¢6 M, N lan lugt 1a trung diém cta SA, SC.
Suy ra MN || AC nén M N || mp(ABCD,).

=k (1)

Bai 2. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh, M va N la hai diém trén SA, SB sao
SM SN 1

cho SA-SB "3 Ching minh M N song song (ABCD).
#Loi giai.
M N
Theo dinh 1i Talet, ta c6 387 ?—B suy ra M N song song v6i AB Ma AB

nim trong mit phang (ABCD) suy ra M N || (ABCD)

Bai 3. Cho ti dién ABCD. Goi G la trong tam ciia tam gidac ABD, () thudoc canh AB sao cho AQ = 2QB,
P la trung diém citia AB. Chitng minh GQ || (BCD).

“L3i giai.

Goi M la trung diém ctia BD. G o A

Vi G la trong tam tam giac ABD= A =3

Diém Q € AB sao cho AQ—ZQB(:)% % P

Suy ra —— _4eQ = GQ || BD. N
AM AB

Mit khéac BD nim trong mit phing (BCD) suy ra GQ || (BCD) b B

0

Bai 4. Cho tit dien ABCD. Goi M, N, P, Q, R, S theo thit tu 14 trung diém ciia cac canh AC, BD, AB,
CD, AD, BC. Chiing minh: M, R, S, N ddng phing

L1 giai.
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Theo tinh chat ctia dudng trung binh ctia tam giac ta c6

PS | AC | QR suy ra P,Q, R, S dong phing

Tuong ty, ta c6 duge PM || BC | NQ suy ra P, M, N,(Q dong phang.
Va NR || CD || SN suy ra M, R, S, N dong phing.

Bai 5. Cho tt dien ABCD. Goi H 13 mot diém nam trong tam giac ABC, () 1a mit phang di qua H
song song v6i AB va C'D. Thiét dién clia («) ctia tit dién 1a hinh g1?

LS giai.
Qua H ké duong thing (d) song song AB va cit BC, AC lan lugt tai M, N

A
T N ké NP song song vé CD (P € CD) Tu P ké PQ song song véi
AB (Q € BD)
Taco MN || PQ || AB suy ra M, N, P,Q dong phang va AB || (M N PQ)
Suy ra M N PQ la thiét dién cta («) va tit dien. N
Vay tit dién 1a hinh binh hanh.
B C
Q
D

O

. . . M 2

Bai 6. Cho hinh chép ti giac deu S.ABCD c¢6 canh day bang 10. M la diém trén SA sao cho i—A =3
Mot mit phang («) di qua M song song véi AB va CD, cit hinh chép theo mot tit giac, tinh dién tich ti
giac do.
Lo giai.
Tac6 (a) | ABva CD ma A, B,C, D dong phéng suy ra («) || (ABCD).
Gia st (o) cat cac mat ben (SAB), (SBC), (SCD), (SDA) lan lugt tai
cac diém N, P,Q véi N € SB,P € SC,Q € SD.
Suy ra (a) = (MNPQ)
Khi d6 M N || AB=MN la dudng trung binh tam giac SAB
_ SM_MN_ 2

SA  AB 3 NP PO OM 2
Tuong ty, ta c6 dudc BC = cD = DA :§
va M N PQ la hinh vuong.

4 4 400

) 2
Suy ra SMNPQ = <3> SABC’D = §SABCD = §.10.10 = ?

Bai 7. Cho hinh chép S.ABCD c6 ABCD la hinh thang can day lén AD. Goi M, N lan lugt 13 hai trung
diém ctia AB va CD, (P) la mat phang qua M N va cit mit ben (SBC) theo mot giao tuyén. Thiét dien
ctia (P) va hinh chép 1a hinh gi?

L1 giai.

Th.s Nguyén Chin Em 99 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

Xét hinh thang ABCD, ¢c6 M, N lan lugt la trung diém ctia AB,CD
Suy ra M N la duong trung binh ctia hinh thang ABCD = MN || BC.
Lay diém P € SB, qua P ké duong thing song song véi BC' va cit BC
tai Q

Suy ra (P) N (SBC) = PQ neén thiét dien (P) va hinh chép la ti gidc
MNQP c6 MN || PQ || BC. Vay thiét dién 1a hinh thang M NQP.

Bai 8. Cho hinh chép S.ABCD c6 day ABC D la hinh binh hanh tam O. Goi M la diém thuoc canh SA
(khong tring v6i S hodc A) (P) 1a mat phang qua OM va song song v6i AD. Thiét dién ctia (P) va hinh
cho6p la hinh gi?

&L giai.

Qua M ké dusng thang M N || AD va cit SD tai N

= MN || AD

Qua O ké duong thing PQ || AD va cit AB,CD lan lugt tai Q, P =
PQ || AD

Suy ra MN || PQ || AD dong phang = (P) cat hinh chép S.ABCD
theo thiét dién la hinh thang M N PQ.

Bai 9. Cho ti dien ABCD Goi I,J lan luct thuoc canh AD, BC sao cho IA = 2ID va JB = 2JC Goi
(P) 1a mat phang qua I.J va song song véi AB Thiét dién ctia (P) va tit dien ABCD hinh gi?

Lo giai.

Gia stt (P) cat cac miat cta tii dien (ABC) va (ABD) theo hai giao tuyén JH
va IK
Ta c6 (P) N (ABC) = JH, (P)N(ABD) = IK.
(ABC) N (ABD) = AB, (P) IK || AB )
I

o . JB _ HA _
Theo dinh 1i Thalet, ta c¢6 e HO ~ 2 suy ra Tc=1D = IH || CD
Ma IH € (P).

Suy ra I H song song v6i mit phang (P)

Vay (P) cit cac mat phang (ABC), (ABD) theo cac giao tuyén ITH, JK v6i
IH || JK

Do d6, thiét dién ctia (P) va tit dien ABCD 1a hinh binh hanh.
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Dang 2. Tim giao tuyén hai mit phang khi biét mot mat phing song song véi dudng
thang cho trudc

Phwong phdp: Cho duong thing a va mdt phang (P) song song
vdi nhaw. Néu mat phdang (Q) chita a va cdt (P) theo giao tuyén
b thi b song song vdi a.

€) CAC ViDy MINH HOA

Vi du 1. Cho hinh chép S.ABCD cé déy la hinh thang, day l6n AD. Goi I 1a trung diém ctia SB.
Goi (P) la mit phang qua I, song song v6i SD va AC.

(D Tim giao tuyén ctia mit phing cta (P) va (SBD).

(2 Tim giao tuyén ctia mit phing cta (P) va (ABCD).

L1 giai.

Ie(P)n(SBD)
@ Ta co: | (P) || SD
SD C (SBD)
= (P)N(SBD) = Iz trong d6 Iz || SD.
Goi Iz BD = K = (P) N (SBD) = IK.
K € (P) N (ABCD)
(2 Taco: { (P) || AC
AC C (ABCD)
= (P)N(SBD) = Ky trong d6 Ky || AC.
Goi KynAD=E,KynCD =F
= (P)N(SBD) = EF.

Vi du 2. Cho tit dien ABCD, M la diém thuoc canh AC. Goi (P) 1a mit phing qua M song song
v6i AB va C'D. Tim giao tuyén clia (P) v6i mat phang (BCD).

LS giai.
— Tim giao tuyén cta (P) véi (ABC).
M e (P)n(ABC) A
Ta c6: ¢ (P) || AB
AB C (ABC)
= (P)N(ABC) = Mz trong d6 Mz || AB.
Goi Mz N BC = N = (P) N (ABC) = MN.

— Tim giao tuyén cta (P) véi (BCD).
N € (P)n(ABC) B D
Ta co: < (P) || CD
CD cC (BCD,)
= (P)N(BCD) = Ny trong d6 Ny || CD.
Goi NynBD = P = (P) N (BCD) = NP.
([

Th.s Nguyén Chin Em 101 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

Vi du 3. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M i trung diém ctia canh SC, (P)
la mat phéng chita A, M va song song véi BD.

(@) Xac dinh diém E, F 1an lugt 1a giao diém ciia (P) v6i cac canh SB, SD. Tim ti s6 dién tich ciia
ASME v6i ASBC va ti sb6 dién tich cia ASMF véi ASCD.

(2) Goi K la giao diém ctia ME v6i CB,J la giao diém ctia MF v6i CD. Chitng minh ring ba
EF

diém K, A, J nim trén mot dudng thing song song véi EF. Tinh ti s6 %7

LS gia.

@ Goi ACNBD =0 va SONAM =1.
Ie(P)n(SBD)
Ta c6: < (P) || BD
BD C (SBD)
= (P)N(SBD) = Iz trong do6 Iz || BD.
Goi lxNSB=FE,ItNSD=F
= E, F lan lugt 1a giao diém ciia SB vh SD véi (P).

2 Vil=AMNSO ma AM, SO la duong trung tuyén ciia ASAC nén I la trong tam ASAC.
oo SE _SF _ 51 2
"SB SD SO 3

Sasmue _ SM SE

12
Sxspe  SC'SB 23
12
2°3

!

SASMF o SM S
Sascp  SC

Wl Wl

o:"

(3) Ta c6 K, A,J la ba diém chung ctia hai mit phing (P) va (ABCD) nén ching nam trén giao tuyén
d = (P)N(ABCD). Vi BD || (P) va BD  (ABCD) nén d || BD = d || EF.

EF I 2 <
Khi d6: — = ST = —;KJ=2BD (Vi E, F lan lugt la trong tam cia ASCK, ASCJ).
BD SO 3
g N EF 1
uy ra — = —.
YK T3

0

Vi du 4. Cho hinh chép S.ABC c6 tat ci cac canh déu bang a. Goi (P) 1a mit phang di dong qua
S va song song v6i BC, (P) cat canh AB, AC lan lugt tai M, N.
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(1) Chiing minh (P) luén chita mot dusng thang cd dinh.

nhét.

(2) Tinh téng binh phucng cac canh ctia ASMN khi AM = x. Tim z dé tong nay dat gia tri bé

Lo giai.

S e (P)n(SBC)
@ Taco: { (P) || BC
BC C (SBC)
= (P)N (SAB) = St trong do6 St || BC.

Mat khac: S, BC' ¢6 dinh nén St ¢6 dinh. Vay (P) luon chita duong thang St c6 dinh.

(P) [ BC
(2 Vi< BC c (ABO) = MN || BC.
(P)N(ABC) = MN
Vi tam gidc ABC déu nén AAMN déu canh bang z.
Ta c6: ASAM = ASAN = SM = SN.
Xét ASAM = SM? = SA? + AM? — 2SA.AM. cos 60°

1
= SM? =a?+ 22 — 2ax.- = a® + 22 — ax.

2
Téng binh phuong cac canh 1a S = SM? + SN? + MN? = 242 + 322 — 2az
g 3( a>2+5a2
= €xr — — —_
23 3
5 5
SuyraSZ%:minSz%@xz%.

Dang 3. Tim thiét dién ctia hinh chép cit bdi mit phing

Phuong phap giai:
Cho hinh chép S.A1As ... A, va mp(a).

Néu () cit mot mat nao dé ciia hinh chép thi (o) sé cdt mat nay theo mot doan thang goi la doan

giao tuyén cia (o) vdi mat do.

Cidc doan giao tuyén néi tiép nhau tao thanh mot da gidc phdng goi la thiét dien.
Nhu vay, muon tim thiét dién cia hinh chép vdi (o), ta tim cdc doan giao tuyén (néu cé).

Da gidc tao bdi cic doan giao tuyén la thiét dién can tim.
Su dung thém dinh ly:

Cho duong thdang d song song véi mat phing (o). Néu mat phang (3) chita d va cat mat phing (o)

theo giao tuyén d’' thi d' || d.

Th.s Nguyén Chin Em 103

https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

€) CAC ViDy MINH HOA

Vi du 1. Cho hinh chép S.ABCD cé day ABCD la hinh chit nhat tam O, M 1a trung diém ciia OC,
mat phéng (a) di qua M va song song v6i SA va BD. Thiét dien ciia hinh chép v6i mat phing ().

HLS giad.

Trong mit phing (ABCD) qua M ké duong thang song song
v6i BD, cat BC tai N va cat CD tai Q.

Trong mit phang (SAC) qua M ké dudng thang song song
v6i SA, cat SC tai P. Khi d6 ta c6:

(a) N (ABCD) = NQ, (o) N (SBC) = NP, (o) N (SCD) =
PQ.

Do d6: (a) N S.LABCD = NPQ.

Vay thiét dién 13 tam giac NPQ.

Vi du 2. Cho tit dien ABCD. Goi («) la mit phing qua trung diém ctia canh AC, song song véi
AB va CD. Tim thiét dién cta ti& dien ABCD cét béi ().

“Loi giai.
Goi I, J, L, K lan lugt 1 trung diém ctia AC, BC, BD, AD. Ta cé:

(@) N (ABC) = IJ
(@) N (BCD) = JL
(@) N (ABD) = LK

(a) N (ACD) = IK
Do dé, (a) N (ABCD) = IJLK. D& thay IJLK 1a hinh binh hanh.

Vi du 3. Cho hinh chép S.ABCD c6 day la hinh thoi. Goi E, F' lan lugt la trung diém ctia SA, SB.
Diém M bat ki thuéc canh BC. Tim thiét dién ctia hinh chép cit béi (M EF).

HLS giai.

Dé thay EF || AB, trong mit phiang (ABCD) qua M ké dudng thing
song song véi AB cat AD tai N. Ta co:

(MEF)N(SBC)= MF.

(MEF)N (SAB) = EF.

(MEF) N (SAD) = EN.

(MEF)N (ABCD) = MN.

Do d6, (MEF) N S.ABCD = MNEF.

Vay thiét dién 14 hinh thang M NEF, hai day 14 M N va EF.

Vi du 4. Cho hinh vuéng ABCD canh a, tam O. Goi S 13 mot diém nim ngoai mit phing (ABCD)
sao cho SB = SD. Goi M la diém tiy ¥ trén AO v6i AM = x. Mat phang (a) di qua M song song
v6i SA, BD va cat SO, SB, AB lan lugt tai N, P,Q. Cho SA = a, tinh dién tich M N PQ theo a va
x, biet NM L MQ.

&L giai.
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(a) | BD
Do { BD C (ABO) = MQ || BD. Tuong tu, ta c6 NP || BD,
(a) N (ABO) = MQ
MN || SA va PQ || SA. Vay tit gidc M NPQ c6 hai cap canh ddi song song
véi nhau, suy ra M N PQ 1a hinh binh hanh.
Do NM 1 M@ nén M N PQ la hinh ch nhat.
Do M N PQ 1a hinh cht nhat nén SMNPQ MN.MQ@ (1).

Xét tam giac AQM c6 A= Q = 45°, = 90° = AAQM vudng can. Vay
MQ =AM = z.
. ., . MN OM
Xét tam giac SAO, ta c6 MN || SA = A= 04 T d6 suy ra
av/2 .
oM 2
04 =@ o3 a—xv?2
2

Thay M@ va MN vao (1), ta c6 Synpg = A2 (a — x\/§)

Sl

(® CAUHOITRAC NGHIEM
Cau 1. Trong cac ménh dé sau, ménh dé ndo ding?
A. Hai mat phing khong cit nhau thi song song.
B. Hai mit phing cling song song v6i mot duong théng thi cit nhau.
C. Qua mot diém nim ngoai mot mit phing cho trude c6 duy nhat mot mit phing song song véi miit
phéng dé.
D. Qua mot diém nim ngoai mot mat phéng cho trude cé vo sé6 mat phing song song véi miit phang doé.
“LGI giai.
Trong khong gian, hai mit phing c6 3 vi tri tuong déi: triing nhau, cit nhau, a
song song véi nhau. Vi vay, 2 mat phang khong cit nhau thi c6 thé song song
hodc tring nhau = A 13 ménh dé sai.
Hai mat phéng cling song song v6i mot duong thing thi ching c6 thé song
song vdi nhau (hinh vé) = B la ménh dé sai.

Ta c6: a || (P),a || (Q) nhung (P) v& (Q) vaAn c6 thé song song v6i nhau.
A

P

Meénh dé C la tinh chat nén C dung.

Chon dép an (C) 0

Céu 2. Trong cac diéu kién sau, diéu kieén nao két luan mp () || mp (8)?
A. (a) [ (v) va () || (v) ((v) 1a mat phing nao do).
B. (a) || a va (a) || b véi a,b 1a hai dusng thang phan biét thuoe (5).
C. (o) || a va (a) || b véi a,b 14 hai dudng thing phan biét cting song song véi (3).
D. () || @ va (a) || b v6i a,b 1 hai duong thing cit nhau thuoc(f).
#Loi giai.

S

Hinh 1. Hinh 2.

Trong trudng hop: (a) || () va (8) || () ((7) 1a mat phing nao d6) thi (o) va (B) c6 thé tring nhau =
Loai A.
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(a) || a va («) || b v6i a, b 1a hai dudng thang phan bigt thudc (8) thi (o) va (8) vAn c6 thé cit nhau (hinh
1) = Loai B.

(a) || @ va («) || b v6i a,b 1 hai dudng thang phan bigt ciing song song véi (3) thi (o) va (8) vAn c6 thé cit
nhau (hinh 2) = Loai C.

Chon dap an @ O

Cau 3. Trong cac ménh dé sau, ménh dé ndo ding?

A. Néu hai mat phang («) va (8) song song v6i nhau thi moi dudng thang ndm trong (o) déu song song
véi (B).

B. Néu hai mat phing (a) va (8) song song v6i nhau thi bat ki dudng thing nio ndm trong () ciing
song song véi bat ki dudng thang nao nim trong (3).

C. Néu hai dudng thang phan biét a v& b song song lan lugt nim trong hai mat phéng (o) va () phan
biet thi a || (B).

D. Néu dudng thang d song song v6i mp («) thi né song song véi moi dudng thang nim trong mp ().

#L3T giai.

A/“ d d
A\ v

Hinh 1. Hinh 2. Hinh 3.

Néu hai mat phang () va (8) song song v6i nhau thi hai duong thang bat ki lan lugt thuoc (a) va (B) co
thé chéo nhau (Hinh 1) = Loai B. Néu hai duong thang phan biét a va b song song lan lugt nim trong hai
mit phang (a) va (8) phan bigt thi hai mat phang («) va (8) c¢6 thé cit nhau (Hinh 2) = Loai C. Néu
dudng thang d song song véi mp (a) thi né c6 thé chéo nhau véi mot duong thang nio dé nim trong («).
(Hinh 3).

Chon dap an @ ([l

Cau 4. Cho hai mat phéng song song (a) va (), duong thing a || (o). C6 miy vi trf tuong ddi clia a va

(8)?
A 1. B. 2. C. 3. D. 4.
£ giai.
Trong khong gian, giita dudng thing vh mat phing c6 3 vi tri tuong déi: dudng thing cit mit phang, dudng

thing song song v6i mat phing, dudng thing ndm trén mat phang. a || (o) ma (a) || (8) = a v () khong
thé cat nhau. Vay con 2 vi tri tuong doi.

Chon dap an O

Cau 5. Cho hai mit phéng song song (P) va (Q). Hai diém M, N lan lugt thay ddi tren (P) va (Q). Goi I
la trung diém ctia M N. Chon khing dinh ding.

A. Tap hop cac diém I 1a dudng thing song song va cach déu (P) va (Q).
B. Tap hgp cac diém I 1a mit phing song song va cich déu (P) va (Q).
C. Tap hop cac diém I 1a mot mat phang cit (P).
D. Tap hgp cac diém I 1a mot dudng thang cit (P).

AL giai.
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Ta c6: I 1a trung diém ctia M N = Khoang cach tit I dén (P) bing khoang
cach tit I dén (Q) = Tap hop cac diém I 1a mat phing song song va cach
déu (P) va (Q). . ;

Chon dap an 0
Cau 6. Trong cac diéu kién sau, diéu kien nao két luan dudng thang a song song v6i mat phiang (P)?

A a|bvabcC (P). (P).

C. al (Q) va(Q)] (P). D. aC (Q) vabcC (P).
#LS gii.
Ta cé: a || bvabC (P)suyraal| (P)hoica C (P) = Loai A. a || bvab | (P) suy ra a || (P) hodc
a C (P)= Loai B. a | (Q) va (Q) || (P) suy ra a || (P) hoac a C (P) = Loai C.
Chon dap an (D) O

Cau 7. Trong cac ménh dé sau, ménh dé ndo ding?
A. Néu (a) || (B) vaa C (o), bC (B) thia || b.
B. Néu (a) || (8) vaa C (a), b C (8) thi a va b chéo nhau.
C. Néua | bvaac(a), bC(8)thi (a)] (8).
D. Néu (1) (a) = a, ()N (8) = b va (a) || (8) thi a || b
#LS giai.
Néu (a) || (8) vaa C (a), b C (B) thi a || b hodic a chéo b = A, B sai. Néua | b va a C (a), b C (8) thi
() || (B) hodc (a) va (B) cat nhau theo giao tuyén song song véi a va b.

Chon dap an @ (Il
Cau 8. Cho duong thang a C (P) va dudng thing b C (Q). Ménh dé nao sau day ding?

A (P)(Q)=al]b. B.a|b=(P)[(Q)

C.(P)(Q)=al| (Q)vabl| (P). D. a va b chéo nhau.

oL giai.

V6i dusng thang a C (P) va duong thang b C (Q).

Khi (P) || (Q) = a || b hoac a,b chéo nhau = A sai.

Khia || b= (P) | (Q) hoac (P),(Q) cit nhau theo giao tuyén song song véi a va b = B sai.

a va b c6 thé chéo nhau, song song hoiic cit nhau = D sai.

Chon dép an (C) O

Cau 9. Hai dudng thing a va b nadm trong mp (a) . Hai dudng thang o’ va ¥ nam trong mp (3) . Ménh dé
nao sau day dang?

A. Néual d vab| ¥ thi ()] (B). B. Néu (a) || (B) thia | o vab| V.

C. Néua ||[bvad |V thi ()| (8). D. Néuaciatbvaa | d, b| b thi ()| (B).
£ giai.

Hinh 1. Hinh 2.
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Néua | @ vab| b thi ()] (8) hodc (a) cat (8) (Hinh 1) = A sai. Néu () || (8) thi a || @’ hoiic a,a’ chéo
nhau (Hinh 2) = B sai.

Néua || bvad ||V th (a) | (8) hodc (o) cat CC’. (Hinh 1) = C sai.

Chon dap an @ O

Cau 10. Cho hai mit phang (P) va (Q) cit nhau theo giao tuyén A. Hai dudng thang p va ¢ lan lugt ndm
trong (P) va (Q). Trong cac meénh dé sau, ménh dé nao ding?
A. p va ¢ cat nhau. B. p va ¢ chéo nhau.
C. p va ¢ song song. D. C4 ba ménh dé trén deéu sai.
£ giai.
Ta c6 p va ¢ c¢6 thé cit nhau, song song, chéo nhau (hinh vé).

Vo

Chon dap an @ O

Cau 11. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N, theo thi tu la
trung diém ctia SA, SD vi AB. Khang dinh nao sau day ding?

A. (NOM) cat (OPM). B. (MON) || (SBC).
C. (PON)N (MNP) = NP. D. (NMP) || (SBD).
LS giai.
Ta c6 M N la duong trung binh cta tam giac SAD suy ra M N || AD S

(1).

Va OP la dudng trung binh ctia tam giac BAD suy ra OP || AD (2).
Tit (1),(2) suy ra MN || OP || AD = M, N, O, P dong phéng.

Lai c6 MP || SB,OP || BC suy ra (MNOP) || (SBC) hay (MON) ||
(SBC).

Chon dap an 0

Cau 12. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Tam giac SBD déu. Mot mat
phang (P) song song véi (SBD) va qua diém I thudc canh AC (khong trimg v6i A hodic C). Thiét dién ciia
(P) va hinh choép la hinh gi?

A. Hinh hinh hanh. B. Tam giac can. C. Tam giac vuong. D. Tam giic déu.
#LS gidi.
Goi M N la doan thing giao tuyén ciia mat phang (P) va mat day
(ABCD). Vi (P) || (SBD),(P)n (ABCD) = MN va (SBD) N
(ABCD) = MN suy ra MN || BD.
Lap luén tuong tu, ta cé
(P) c&t mat (SAD) theo doan giao tuyén NP véi NP || SD.
(P) c&t mat (SAB) theo doan giao tuyén M P véi MP || SB.
Vay tam giac M N P dong dang v6i tam giac SBD nén thiét dien cia
(P) va hinh chép S.ABCD la tam giac déu M N P.

Chon dap an @ O
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Cau 13. Cho hinh chép S.ABC' c¢6 déay la tam giac ABC théa man AB = AC =4, BAC = 30°. Mat phang
(P) song song véi (ABC) cat doan SA tai M sao cho SM = 2M A. Diéen tich thiét dién ctia (P) va hinh
chép S.ABC bing bao nhieu?

A. E B. E C. 2—5 D. 1.
9 9 9
“Loi giad.
1 — 1
Ta ¢6 SaaBc = 3" AB - AC - sin BAC = 3 -4 -4-8in30° = 4. Goi S

N, P lan lugt 1a giao diém ctia mat phang (P) va cac canh SB,SC. Vi

SM SN SP 2
P ABC) nén theoo dinh Ii Talet, ta ¢c6 — = — = — = -.
(P) |l ( ?nen eoo din 1ae,a/coSA B SC = 3
Khi d6 (P) cat hinh chép S.ABC theo thiét dién 1a tam gidc M N P dong M N
dang véi tam giac ABC theo ti s6 k = ~.

2\ 2 16 A C
Vay Samnp = k? - Saapc = <3> 4 = R

Wl N

Chon dap an @ O

Cau 14. Cho hinh chép S.ABCD c6 day ABCD la hinh thang can v6i canh bén BC = 2, hai ddy AB =
6,CD = 4. Mat phang (P) song song v6i (ABCD) va cat canh SA tai M sao cho SA = 3SM. Dién tich
thiét dien ctia (P) va hinh chép S.ABCD bang bao nhiéu?

A V3 B 23, C. 2. p. TV3,
9 3 9
£ giai.
D c
c B A I K B

Goi H, K 1an lugt 1a hinh chiéu vuong géc ctia D, C trén AB.

AH =BK;CD=HK
ABCD la hinh thang can = = BK =1.
AH+ HK + BK = AB

Tam gidc BCK vuong tai K, c6 CK = v/BC? — BK2 = /22 —12 = /3. Suy ra dién tich hinh thang

AB + CD 446
ABCDlaSABCD:CK.L_ 3~i—5\/§.

2 2
Goi N, P,Q lan lugt 1a giao diém ctia P va cac canh SB, SC,SD. Vi (P) | (ABCD) nén theo dinh 1i Talet,
S MN NP PQ QM _1
a co = = = ——
AB BC CD AD 3
. P 5v/3
Khi d6 (P) cat hinh chép theo thiét dien M N PQ c6 dién tich Sy npg = k? - Sapcop = \9[

Chon dap én (A) O

Cau 15. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh c¢6 tam O, AB =8, SA = SB = 6.
Goi (P) la mat phang qua O va song song v6i (SAB). Thiét dien ctia (P) va hinh chép S.ABCD c6 dien
tich bang

A. 5V/5. B. 6v/5. C. 12. D. 13.
HLEI giai.
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Qua O ké duong théng d song song AB va cit BC, AD lan luct tai
P,Q. Ké PN song song véi SB(N € SB), ké QM song song véi
SA(M € SA). Khi d6 (MNPQ) || (SAB) = thiét dien cta (P)
va hinh chép S.ABCD la ti giac M N PQ.

Vi P,Q la trung diém ctia BC,AD suy ra N,M lan lugt la
trung diém ctia SC,SD. Do d6 MN la duong trung binh tam

giéeSCD:MN:CTD_ATB:ALVaNP:STB:3;
A
QM:%:3¢NP:QM:>MNPQ 1& hinh thang can.

1
Ha NH, M K vudng géc v6i PQ. Tac6 PH = KQ = PH = 5 (PQ— MN) = 2.
Tam gidc PHN vuong, c6 NH = /5.
P NM
Vay dien tich hinh thang MNPQ 1a Syrypo = NH - Q% — 6.5,

Chon dap an O
Cau 16. Trong cac ménh dé sau, ménh dé nao sai?

A. Hinh lang tru c¢6 cac canh bén song song va bing nhau.

B. Hai mat day ctia hinh lang tru ndm trén hai mit phang song song.

C. Hai day ctia lang tru 1a hai da giac déu.

D. Cac mit bén cia lang tru la cac hinh binh hanh.
“LoT giad.
Xét hinh lang tru c6 day 1a mot da gidc (tam gidc, ti giac, ... ), ta thay ring hinh lang tru ludn c6 cic canh
bén song song va bang nhau. Hai mit day ctia hinh ling try nim trén hai mit phang song song. Hai day
clia lang tru 1a hai da gidc biang nhau (tam giac, t gidc, ...). Cac mit bén clia lang tru 1a cac hinh binh
hanh vi c6 hai canh la hai canh bén ctia hinh lang tru, hai canh con lai thudc hai day song song.
Chon dap an @ O
Cau 17. Trong cac ménh déu sau, ménh dé nao sai?

A. C4c canh bén ctia hinh lang tru bang nhau va song song véi nhau.

B. Cac mit bén cta hinh lang tru 1a cac hinh binh hanh.

C. Céac mit bén clia hinh lang tru 13 cAc hinh binh hanh bang nhau.

D. Hai déy ciia hinh ling tru la hai da giac bang nhau.
“ LG giai.
Cac mat bén ctia hinh ling tru 13 cac hinh hinh hanh, ching bang nhau néu hinh lang tru c6 day 1a tam
giac deu.
Chon dap an @ O
Cau 18. Trong cac ménh déu sau, ménh dé nao dung?

A. Cac canh bén ciia hinh chép cut doi mot song song.

B. Cac canh bén ctia hinh chép cut la cac hinh thang.

C. Hai day ctia hinh chép cut 1 hai da giac dong dang.

D. C4& 3 ménh dé trén déu sai.
“Lo1 gidd.
Xét hinh chép cut c6 ddy 1a da gidc (tam gidc, tit giac, ...) ta thay ring: Céc canh bén ctia hinh chép cut
doi mot cat nhau. Cac mit bén ciia hinh chép cut 1a cac hinh thang can. Hai ddy ctia hinh chép cut 1a hai
da giac dong dang.
Chon dap an @ ([
Cau 19. Trong cac ménh déu sau, ménh dé nao sai?

A. Trong hinh chép cut thi hai day 1& hai da giac c6 cac canh tuong ing song song va cac ti so cac cap

canh tuong ting bang nhau.

B. Cac mit bén ctia hinh chép cut 1a cac hinh thang.

C. Cac mit bén cia hinh chép cut 1a cac hinh thang can.

D. Duong thang chita cic canh bén ciia hinh chép cut dong quy tai mot diém.
“Lai giai.
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V6i hinh chép cut, cac mét bén ciia hinh chép cut 1a cac hinh thang.
Chon dap an (C) 0

Cau 20. Cho hinh ling tru ABC.A’B'C’. Goi M, N 1an lugt 1a trung diém ctia BB’ va CC’. Goi A la giao
tuyén ctia hai mit phiang (AMN) va (A’B'C’) . Khing dinh nao sau day ding?

A. A | AB. B. A || AC. C. A | BC. D. A A4
LS giai.
MN C (AMN)
Ta c6 { B'C' C (A'B'C') — A la giao tuyén clia hai mit phéng A c’
MN || BC'

(AMN) va (A’B'C") sé song song v6i M N va B'C’. Suy ra A || BC.

Chon dap an @ O

Cau 21. Cho hinh lang try ABC.A’B'C’. Goi H la trung diém ctia A’B’. Dudng thang B’'C song song véi
mat phing nao sau day?

A. (AHCY). B. (AA'H). C. (HAB). D. (HA'C).
£LSH gidi.
Goi M la trung diém ctia AB suy ra MB' || AH
= MB' | (AHC"). (1)
Vi M H la dudng trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va biang BB’ nén M H song song va bang CC’
— MHC'C I hinh hinh hanh = MC | HC' = MC || (AHC'). (2)
Tu (1) va (2), suy ra (B'MC) || (AHC') = B'C || (AHC").

Chon dap én (A) O

Cau 22. Cho hinh lang try ABC.A'B'C’. Goi H la trung diém ctia A’B’. Mt phidng (AHC') song song
v6i dudng thing nao sau day?

A. CB. B. BB C. BC. D. BA'.
HLS giad.
Goi M la trung diém ctia AB suy ra MB' || AH = MB' || (AHC').
1)
Vi M H la duong trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va bang BB’ nén M H song song va bang C'C’
= MHC'C 1a hinh hinh hanh = MC || HC' = MC || (AHC"). (2)
Tu (1) va (2), suy ra (B'MC) || (AHC') = B'C || (AHC").

Chon dap an @ O
Cau 23. Cho hinh lang tru ABC.A1B1C;. Trong cac khéng dinh sau, khéng dinh nao sai?
A. (ABC) || (A1 B1Ch). B. AA; || (BCCY).
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C. AB H (AlBlCl). D. AA;B1B la hinh chi nhat.
“Loi giai.
Vi miit bén AA; By B 13 hinh binh hanh, con né 1a hinh chit nhat néu ABC.A;B1C; 14 hinh lang tru ding.
Chon dap an (D) O

Cau 24. Cho hinh hop ABCD.A’B'C'D’. Khéng dinh nao dudi day la sai?
A. ABCD la hinh binh hanh.
B. Céc dusng thing A'C, AC', DB’, D' B dong quy.
C. (ADD'A") || (BCC'B').
D. AD’CB la hinh chit nhat.
#L3i giai.
Dya vao hinh vé va tinh chat ctia hinh hop chit nhat, ta thay
rang:

— Hinh hop ¢6 ddy ABCD la hinh binh hanh.

— Cac duong thang A’C, AC’, DB’, D'B cat nhau tai tam
cia AA'C'C,BDD'B'.

— Hai mat ben (ADD'A’), (BCC'B’) déi dién va song song
véi nhau.

— AD’ va CB la hai dudng théang chéo nhau suy ra AD'CB
khong phai 1a hinh ch@ nhat.
Chon dap an @ O

Cau 25. Cho hinh hop ABCD.A'B'C'D’ ¢6 cac canh bén AA’, BB',CC’, DD'. Khang dinh nao duéi day
sai?
A. (AAB'B) || (DD'C'C). B. (BA'D') || (ADC").
C. A’B'CD 1a hinh binh hanh. D. BB'D’'D la mot tit giéc.
LS giai,
Duta vao hinh vé du6i va tinh chat ctia hinh hop, ta thay ring:

— Hai mat ben (AA’B’'B) va (DD'C’'C) déi dién, song song
v4i nhau.

— Hinh hop ¢6 hai ddy (ABCD),(A’B'C'D’) 1a hinh binh
hanh = A’'B’ = CD va A'B’' | CD suy ra A’/B'CD la
hinh hinh hanh.

— BD || B'D’ suy ra B,B’, D', D dong phing = BB'D'D
la tit giac.

— Mait phang (BA’D’) chita duong thang CD' ma CD’ cit
C'D suy ra (BA'D') khong song song v6i mit phang
(ADC").
Chon dap an ([

Cau 26. Néu thiét dien clia mot lang tru tam gidc va mot mat phang la mot da giac thi da giac dé co
nhiéu nhat may canh?

A. 3 canh. B. 4 canh. C. 5 canh. D. 6 canh.
L5 gii.
Da giac thiét dien ctia mot lang tru tam giac va mot mit phing cé nhiéu nhat 5 canh véi cac canh thudc
cac mat cia hinh ling tru tam giac.

Chon dép 4n (C) O
Cau 27. Néu thiét dien ctia mot hinh hop v mot mat phang 1a mot da gidc thi da gidc d6 cé nhiéu nhét
may canh?

A. 4 canh. B. 5 canh. C. 6 canh. D. 7 canh.

L1 giai.
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Vi hinh hop 1a hinh ling tru c6 déy 1a t giac va ¢6 6 mat nén thiét dién ctia hinh hop va mat phing bat
ki 1a mot da gidc c6 nhidu nhat 6 canh.
Chon dap an @ O

Cau 28. Cho hinh hop ABCD.A'B'C'D’. Goi I la trung diém ctia AB. Mit phang (IB'D’) cit hinh hop
theo thiét dién 1a hinh gi?

A. Tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh chi@ nhat.
“Loi giai.
B'D' c (IB'D')
Ta ¢6 ¢ BD C (ABCD) — Giao tuyén cta (IB'D’) v6i (ABCD)

B'D' || BD
13 duong thang d di qua I va song song véi BD. Trong mat phang
(ABCD), goi M =dNAD — IM || BD || B'D’. Khi d6 thiét dien
1t giac IM B’'D’ va tit giac nay 13 hinh thang.

Chon dap an O

Cau 29. Cho hinh hop ABCD.A'B'C'D’. Goi (a) 1a mit phang di qua mot canh clia hinh hop va cit hinh
hop theo thiét dien 1a mot ti giac 7. Khing dinh nao sau day ding?

A. T Ia hinh chit nhat. B. T la hinh binh hanh.
C. T la hinh thoi. D. T la hinh vudng.
#Loi giai.
Gi& sit mat phing (a) di qua canh AB va cit hinh hop theo ti B C

gidc T. Goi d la dudng thang giao tuyén ctia (o) vd mat phang
(A'B'C'D’) . Ta ching minh duge AB || d suy ra t giac 7' 1a mot
hinh binh hanh.

Chon dap an O
a N P iz IR 20 34 18 iz ~ _\/\,ABI
Cau 30. Cho hinh choép cut tam giac ABC.A’B'C" ¢6 2 day 1a 2 tam giac vuong tai A va A’ va c6 TG — 3
. S .
Khi d6 ti so dién tich DAABC bang
. Saapcr )
A —. B. -. C. 2 D. 4.
2 4
“Loi giai.
Hinh chép cut ABC.A’B'C’ c¢6 hai mit day 1a hai miit phing song song A C
R S
nén tam giac ABC dong dang tam giac A’B’C’ suy ra DAABC V
) Saapcr
5 AB-AC A A 1
1 T AB AC T4
S AR AN
5 A'B - AC A (04
B/
Chon dap an O

Cau 31. Khing dinh nao sau day ding?
A. Hinh lang tru ding c6 ddy 1a mot da giac déu 1a hinh lang tru déu.
B. Hinh lang tru ding 1a hinh ling tru deu.
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C. Hinh lang tru c6 day la mot da giac déu 1a hinh lang tru déu.
D. Hinh lang tru t¢ gidc déu la hinh lap phuong.
LS giai.
Hinh lang tru ding c6 day 1a mot da gidc déu 1a hinh lang tru deu.
Chon dap an @ O

Cau 32. Xét cac ménh dé sau
(1) Hinh hop 14 mot hinh lang tru;
(2) Hinh lap phuong la hinh hop ding c¢6 day 1a hinh vuong;
(3) Hinh hop c6 cac mit dbi dien bang nhau;
(4) Hinh lang tru c6 cac mat bén la hinh binh hanh;
(5) Hinh lang tru c6 tat cd cac mat ben bang nhau.
S6 ménh dé ding trong cac ménh dé trén I3
A 2. B. 4. C. 5. D. 3.
HLSH giai.
Céc ménh de (1), (3) va (4) dang.
Chon dap an @ O

. . MA
Cau 33. Cho tu dién ABCD. Trén céc canh AD, BC theo thi ty lay cac diem M, N sao cho —— =

AD
NC 1 . . .
OB - 3 Goi (P) 1a mat phang chita duong thang M N va song song véi CD. Khi d6 thiét dién cta ti

CB

dien ABCD cét bdi mit phing (P) 1a
A. mot hinh binh hanh. B. mot hinh thang v6i day 16n gap 2 lan day nho.
C. mot hinh thang vé6i day 16n gap 3 lan day nhé. D. mot tam giac.

Qlpigidd duong thang song song v6i CD cat AC tai E. A

Qua N, ké duong thing song song véi CD cat BD tai F.

Khi d6 ME | NF || CD va (P) = (MENF). v
NF BN 2
. )CD  BC 3 _
Ta c6 ME AM 1 = NF=2MEFE.
\CD AD 3
Vay thiét dién cia ABCD cat béi (P) 1a hinh thang M ENF, trong d6 déy B D
I6n NF gap 2 lan day nhé ME.
N
C
Chon dap an @ ([

Cau 34. Cho hinh hop ABCD.A'B'C'D’. Goi I la trung diém ctia AB. Mat phing (IB’D’) cit hinh hop
theo thiét dien I3

A. hinh binh hanh. B. hinh thang. C. hinh chit nhat. D. tam giac.
#Loi giai.
B'D' c (IB'D')
Tac6 { BD C (ABCD) nén giao tuyén ctia (IB'D’) v6i (ABC D) la dudng
BD | B'D' Al

thang IE qua I va song song véi BD (E € AD).
Vi IE || B'D’ nén thiét dien 1a hinh thang IED'B’.

Chon dap an O
Cau 35.
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Cho hinh lap phuong ABCD.A’B'C’'D’ canh a. Xét ti dién o Iy
AB'CD’. Cit ti dien dé bing mit phing di qua tam cla . =
hinh lap phuong va song song véi mit phang (ABC). Tinh ! 7
dién tich ctia thiét dien thu dugc. B’ : C
N\ I 7z
\\ ! //
\ |
\ | ’
\ \ d
\\ | /,
\ { s
\\\ | /,/
N4
k=N - D
/// A \\\
B C
AL B. 2% c. ”. p. 3
3 3 2 4
HLSI giai.
Goi I 1a tam ctia hinh lap phuong = I la trung diém ctia A Iy
!
ac 7 ) |
Goi (P) la m#t phang qua I va song song véi (ABC). Khi do s L
(P) cit cac dudng thang AB', B'C, CD', AD' lan lugt tai B’ — 10
cac trung diém M, N, P, Q. NS ol
1 av2 NN e AT
Khi d6 MN:PQ:iAC:Tva MYSCTTT 0x |2 p
NS S
1 2 LAWN
NP =MQ=-B'D = av2 SN
. 2 2 . ” // /\)le//\— ——————— _——f e ———— D
Do do, thiet dién cta ti dién cat bdi miat phang di qua tam ST AT
ctia hinh lap phuong va song song véi mit phiang (ABC) la el TN

. 2 B
hinh thoi MNPQ canh biing C‘Qf ¢

Mit khac NQ = MP = BC = a.

Dién tich hinh thoi MNPQ 1a S — %NQ . MP = “22
Chon dap an @ ([
Cau 36. Cho bén ménh dé sau

(1) Néu hai mit phing () va () song song véi nhau thi moi dudng thing nim trong mit phiang (o) déu
song song véi (f3).

(2) Hai duong thang ndm trén hai mit phang song song thi song song véi nhau.
(3) Trong khong gian hai dudng thing khong c6 diém chung thi chéo nhau.

(4) Ton tai hai dudng thang song song ma mdi dudng thing cit dong thoi hai duong thang chéo nhau cho
trudce.

Trong cac ménh dé trén c6 bao nhiéu ménh dé sai?
A. 4. B. 3. C. 2. D. 1.
LS giai.

— Meénh dé (1) la menh dé dung.
— Meénh dé (2) 1a meénh dé sai vi hai duong thang d6 c6 thé chéo nhau.
— Meénh dé (3) 14 ménh dé sai vi hai duong thang song song ciing khong cé diém chung.

— Meénh dé (4) 1a ménh dé sai vi néu ton tai hai dudng thang nhu trén thi cd 4 duong thing nay dong
phéng (mau thudn véi gia thiét).

Vay c6 3 ménh dé sai.

Chon dap an O
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Cau 37. Mot hinh ling tru c¢6 ding 11 canh bén thi hinh lang try d6 c6 tat ca bao nhiéu canh?
A. 31. B. 30. C. 22. D. 33.
#Loi giai.

Hinh lang tru cé dang 11 canh bén suy ra day la da giac c¢6 11 dinh = da giac day c6 11 canh.
Vay hinh lang tru c6 ding 11 canh bén thi c6 11 + 11 -2 = 33 canh.

Chon dap an @ ([

Cau 38. Cho hinh hop ABCD.A’B'C'D’. Tim ménh dé sai trong caAc ménh dé sau

A. (ABB'A") || (CC'D'D,). B. Dién tich hai m#t bén bat ki bang nhau.
C. AA || CcC'. D. Hai mit phiang day song song véi nhau.
LS giai.
Meénh dé sai 13 “Dién tich hai m#t bén bat ki bang nhau”.

Chon dap an 0

Cau 39. Cho hinh lang tru ABC.A'B'C’, goi I, J, K lan ludt 1a trong tam AABC, AACC’ va ANAB'C'.
Mit phang nao sau day song song véi (IJK)?

A. (BC'A). B. (AA'B). C. (BB'O). D. (CC'A).
#Loi giai.
Goi M, N, P lan luct 1a trung diém BC, CC' va B'C'.
AK AJ AT 2
AN  AM 3
| (MNP) hay (IJK) || (BB'C).

Ta co
Suy ra (IJK)

Chon dap an @ O

Cau 40. Cho hinh chép S.ABCD, c6 day 1a hinh vudéng canh a, tam gidc SAB déu. Goi M la diém trén
canh AD sao cho AM = z,z € (0;a). Mat phang (o) di qua M va song song véi (SAB) lan lugt cat cac

. N 2 qea . S 202\/§
canh CB,CS,SD tai N, P,Q. Tim z dé dién tich M N P(Q bang 5

9
A 22 B.

a
3 1 C.

wle

a
5

L1 giai.
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(a) || (SAB)
Ta c6 { (SAB)N (SAD) = SA = (o) N (SAD) = MQ || SA
M € (a)N(SAD)
iQ e SD.
(a) [ (SAB)
(

Suy ra thiét dién ctia hinh chép S.ABCD cét bdi mit phang () 1a tit gidc M N PQ.
(a)N(SCD) = PQ
(SCD)N (ABCD)=CD

Ta c6 (ABCD) N (a) = MN = PQ,MN,CD doi mot song song. Khi d6 M N P(Q la hinh thang véGi
CD| MN
day 16n CD.
MN || AB
Hon nita ta ¢6 { PN || SB = MNP = ABS = 60° va NMQ = BAS = 60°.
MQ | 54

Do dé tit giac M N PQ 1a hinh thang can.

 PQ  SQ  AM B B
TacociD—S—D\—EépQ—AM—:U. )
Suy ra AEMN deéu canh a va AEPQ la tam giac deu canh z. Khi d6

V3 2?3
a X
SuMNPQ = SAEMN — SAEPQ = 11
. 2a%V/3 2V/3 V3  2d*V3
TheogiéthiétSMNpQ: agfﬁa;/»—xi/»— ag\/»@m—g.

N a
Vay gia tri x can tim la 3
Chon dap an (D) O

Cau 41. Cho hai mit phing (P) va (Q) song song v6i nhau. Ménh dé nao sau day sai?
A. Dudng thang d C (P) va d’ C (Q) thid | d'.
B. Moi dudng thang di qua diém A € (P) va song song v6i (Q) déu ndm trong (P).
C. Néu dudng thing A cit (P) thi A ciing cat (Q).
D. Néu duong thing a C (Q) thia || (P).
#LS gii.
Duong thing d C (P) va d’ C (Q) thi d va d’ song song hodic chéo nhau.
Moi duong thang di qua diem A € (P) va song song v6i (Q) déu nam trong (P) 14 ménh dé ding.
Néu duong thing A cit (P) thi A ciing cit (Q) ding (tinh chat 2 mat phing song song).
Néu duong thang a C (Q) thi a || (P) 1a ménh dé ding.
Chon dap an @ O

Cau 42. Cho duong thing a nim trong mit phang («) v dudng thing b nim trong mit phang (3). Ménh
dé nao sau day sai?

A (o) | (B)=alb. B. (@) || (8) = a |l (8)-

C. (o) | (B)=0b] (a). D. a va b hoac song song hoac chéo nhau.
LI giai.
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Néu () || (8) thi ngoai trudng hgp a || b thi a va b ¢6 thé chéo nhau.
Chon dap an (A) O

Cau 43. Lang tru tam giac ¢6 bao nhiéu mat?
A. 6. B. 3. C. 9. D. 5.
“Loi giai.
Theo 1y thuyét.
Chon dap an @ O

Cau 44. Cho lang tru ABC.A'B'C’. Goi G, G’ lan luct 1a trong tam cac tam giac ABC, A’B'C'. M la
diém trén canh AC sao cho AM = 2MC. Ménh dé nao sau day sai?

A. GG’ | (ACC'AY). B. GG’ | (ABB'A).
C. Dudng thing MG’ cit mit phing (BCC'B’). D. (MGG') || (BCC'B').
LS giai.

Vi G, G’ lan lugt 1a trong tam céac tam giac ABC, A’B'C’ nén ta ¢6 GG’ || o
(ACC'A"), GG' || (ABB'A'), GG’ || (BCC'B').
Goi N 1a trung diém BC, ta c6 40 = AM 5 MG | CN =

of N 1a trung diem BO, ta ¢6 = = -5 = 2 nén suy ra

MG || (BCC'B).

Tu GG’ | (BCC'B’) va MG || (BCC'B’) ta ¢c6 (MGG'") || (BCC'B'). Do
vay MG || (BCC'B’).

Vay, ménh dé sai la: “Dudng thang MG’ cit mat phang (BCC'B')".

Chon dap an @ O

Cau 45. Cho lang tru ABC.A’B'C’'. Goi G, G’ lan lugt 13 trong tam cac tam giac ABC va A'B'C’, M 1a
diém trén canh AC sao cho AM = 2MC. Ménh dé nao sau day sai?

A. GG | (ACC'A). B. GG' || (ABB'A").

C. Duong thang MG’ cit mit phang (BCC'B’). D. (MGG') || (BCC'B").
@Lai giai.
Ta c6 GG’ || AA' va MG || BC nén A

— GG’ || (ACC'A’) 1a menh deé dung,
— GG' || (ABB'A’) 1a ménh dé dung,
— (MGG || (BCC'B")1a ménh dé ding,

— Dudng thing MG’ cit mit phiang (BCC’'B’) 1a ménh dé sai.

Chon dap an @ O

Cau 46. Cho hinh hop ABCD.A'B'C'D’. Goi M 1a trung diém ctia AB, mit phéng (M A’C") cit canh BC

. MN
tai V. Tinh ti s0 k = 10
1 1 2
A k=—-. B. k=-. C. k=-. D. k=1.
2 3 3

L1 giai.
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Ba mit phang phan bigt (ABCD), (ACC'A’), (M A'C’) doi mot cat
nhau theo ba giao tuyén AC, A’C’ va M N. Theo tinh chat hinh hop
ta co AC || A'C" nen MN || AC || A'C".

Lai c6 M la trung diém ctia AB nén M N la dudng trung binh trong
tam giac ABC.

1 1

_MN 1

AC 2

Chon dap an @ O

Cau 47. Cho ba mit phang (), (8), (y) doi mot song song. Hai duong thang d, d’ lan lugt cit ba mat
phéng nay tai A, B, Cva A', B, C' (B nam giita A va C, B/ nim giita A’ va C"). Gid stt AB =5, BC = 4,
A'C" = 8. Tinh do dai hai doan thing A'B’, B'C".

A. AB =10, BC' =8, B. A'B' =8, B'C' = 10.

C. A'B' =12, B'C' =6. D. A'B =6, B'C' = 12.
Lol gﬁ% BC  AB+BC  AC

Z —"_ I R/ Fall

TacoA’B’_B’C”_A’B’+B’C”_A’C’:>AB_10’BC_S'
Chon dap an @ ([

Cau 48. Trong khong gian, cho cac ménh dé sau
I. Hai duong thang phan biét cting song song v6i mot mit phing thi song song véi nhau.

II. Hai mat phang phan biét chita hai duong thang song song cit nhau theo giao tuyén song song véi hai
dudng thang dé.

III. Néu duong thang a song song véi dudng thing b, dudng thing b nim trén mat phang (P) thi a song
song véi (P).

IV. Qua diém A khong thuoc mit phiang (a), ké duge ding mot duong théng song song véi ().

S6 ménh deé ding 1a

A. 2. B. 0. C. 1 D. 3.
£L5E gii.
Xét ting ménh dé ta co

I. “Hai dudng thing phan biét cling song song véi mot mit phang thi song song véi nhau” 1a ménh dé
sai, vi hai dudng thing c6 thé chéo nhau.

II. “Hai miit phang phan biét chita hai dudng thing song song cit nhau theo giao tuyén song song véi hai
duong thing d6” 1a meénh dé sai, vi hai mat phang dé cé thé song song nhau.

III. “Néu duong thang a song song v6i dudng thang b, dudng thang b nim trén mit phang (P) thi a song
song véi (P)” 1a ménh dé sai, vi dudng thing a viAn c6 thé nim trong mat phang (P).

IV. “Qua diém A khong thuoc mat phiang (a), ké duge ding mot dudng thing song song véi (a)” 14 ménh
dé sai, vi c6 vo s6 dudng thang di qua diém A va song song véi ().

Vay khong c6 ménh dé nao ding trong cic ménh dé néu trén.
Chon dap an O
Cau 49. Cho hinh chép S.ABCD véi day 1a hinh thang ABCD, AD || BC, AD = 2BC'. Goi FE la trung
diém AD va O la giao diém ctia AC va BE, I 13 mot dieém thuoc doan OC (I khac O va C). Mat phang
() qua I song song v6i (SBE) cat hinh chép S.ABCD theo mot thiét dien 1a

A. Mot hinh tam giac.

B. Mot hinh thang.

C. Mot tu giac khong phai 1a mot hinh thang va khong phai 1a hinh binh hanh.
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D. Mot hinh binh hanh.

igia
( (SBE)
Ta c6 { (SBE)N(ABCD) = BE
(@) ABC’D) = Iz
= Iz || BE
= Iz cat BC tai M, AD tai Q.
(o) || (SBE)
Ta c6 {(04) N (SBC)
(SBE) SBC) SB
SB = Mz cat SC tai N.
(o) || (SBE)
Ta c6 {(a N(SAD) = Qx
(SBE) N (SAD) = SE
I

= Qu || SE = Qux cat SD tai P.

T giac BCDE la hinh binh hanh = CD || BE | MQ = CD || ().
CD | (a)

Ta c6 ¢ CD C (SCD)
(SCD)N (a) = PN
= CD || PN = MQ || PN
Vay thiét dién tao bdi mit phéng («) v6i hinh chép S.ABCD la hinh thang M N PQ).

Chon dap an O

Cau 50. Cho hinh chép S.ABCD c6 day la mot hinh binh hanh. Goi A’, B/, C’, D' 1an lugt la trung diém
clia cac canh SA, SB, SC, SD. Tim ménh dé dang trong cac ménh deé sau.

A. A'B'| (SBD). B. A'B' || (SAD). C. (A'C'D') | (ABC). D. A'C"|| BD.
&L giai.

Ta c6 A'C' || AC = (A'C'D') || (ABC).

Chon dap an @ (I

Cau 51. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Goi M 13 trung diém ctia AB, N 1 tam hinh vuong
AA'D'D. Tinh dién tich thiét dién ctia hinh lap phuong ABCD.A'B'C’' D’ tao bdi mit phang (CMN).

a?y/14 3a2y/14 3a? b a?\/14
Y S R

A. B. C. —.

4

L1 giai.
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D’ c’
I
I
I
Q
E Al A
N R : \\\ B/
\\\ /// : \\ ~ F
N \\\\\‘\\:\\\\\ , 4 \\\
7/ \ N I /7 T~-< ~
/ \ N T~
/ R L 1 &)
P \/\/\\/MD // /,/’//
. \ 7 _r
s ‘s -7
// ‘//,’
A M B
Thiét dien nhu hinh vé. Tt gidac CQPM 13 hinh thang c6
) 13 10 v13
C’M:a\—f,PM:a L PQ=2" 0g=2""
2 6 3 3
v 10 13
SuyraMF:PQ:ag ,CF:PM:a6

Ta co SCMPQ = 3SCMF‘

M+ MF+ F
Semr = +/plp—CM)(p— CF)(p — MF) v6i p = CM+ 5 + C. Thay gia tri cac canh ta c6 Scyr =
[T _ a?\/14
ia = SCMPQ = 1
Chon dap an @ ([
Cau 52. Cho hinh hop ABCD.A’B’C'D’. Ménh dé nao sau day 14 ménh dé sai?
A. (BA'C') || (ACD). B. (ADD'A') || (BCC'B)).
C. (BA'D) || (CB'D"). D. (ABA4") || (CB'D").
L giad.
Ta co
BA' || cD’ o ,
o = (BA'C") || (ACD").
A'C" || AC
AD || BC
= (ADD'A’ BCC'B).
BD || B'D’
, | , . = (BA'D) | (CB'D).
A'D || B'C

Mt khac B’ € (ABA’) N (CB'D') = (ABA') || (CB'D’) 1a ménh dé sai.

Chon dap an @ ([
Cau 53. Cho hinh hop ABCD.A’B’'C'D’. Ménh dé nao sau day 1a sai?

A. (ABCD) || (AB'C'D’). B. (AA'D'D) | (BCC'B').

C. (BDD'B") || (ACC'A"). D. (ABB'A") || (CDD'C").

#LoT giai.
(ABCD) || (A’B'C'D")
Ta thay { (AA'D'D) || (BCC'B’) luon ding. A
(ABB'A") || (CDD'C")
va hai mat phang (BDD'B’), (ACC'A’) 1a c&t nhau.

B* C
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Chon dap an @ O

Cau 54. Cho dudng thang a thuoc mit phing (P) va duong thang b thuoc mat phang (Q). Ménh dé nao
sau day dang?

A alb=(P)] (@) B. (P)] (@) = al b

C.(P)(Q)=al| (Q)vabl| (P). D. a va b chéo nhau.
HLS giai.
(P) || (Q) suy ra (P) va (Q) khong c6 diém chung. Mit khac a € (P) nén a va (Q) cling khong c¢6 diém
chung. Suy ra a || (Q). Tuong tu ta cing c¢6 b || (P).
Chon dap an (C) 0

Cau 55. Cho hinh hop ABCD.A'B'C'D’. Mt phéang (AB'D’) song song v6i mit phang nao sau day?
A. (BDA). B. (A'C'C). C. (BDC). D. (BCA').

£Loi gidi.

Mit phing (AB’D’) song song v6i mat phang (BDC”).

That vay, ta ¢c6 AB’ | DC" va AD' || BC’, c¢6 diéu can chiing
minh. B’ A’

¥ D’

Chon dap an @ O

Cau 56. Cho hinh hop ABCD.A’B'C’'D’. Mit phang (AB’D’) song song v6i mit phang nao sau day?
A. (BA'CY). B. (C'BD). C. (BDA). D. (ACD').

HLOT giai.

Ta ¢6 BDB'D’ 1a hinh binh hanh nén BD || B'D’. Tuong tu

ta co AD' || BC'.

Tu d6 suy ra BD || (AB'D’) va BC' || (AB'D’).

Vay (AB'D') || (C'BD)

Chon dap an 0

Cau 57. Cho tit dien ABCD c6 AB = 6, CD = 8. Cét tit dién béi mot mat phing song song v6i AB, CD

dé thiét dien thu dugc 13 mot hinh thoi. Canh ctia hinh thoi dé bing

31 18 24 15

—. B. —. C. —. D. —.
7 7 7 7

“Loi giai.

A.
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Goi M, N, P,Q lan lugt la giao diém ctia mit phang chita thiét dien véi D
cac canh AC, BC, BD, AD, khi d6 theo gia thiét tit giac M NPQ 13 hinh
thoi.
Ciing tur gid thiét ta suy ra PQ || MN || AB, MQ || NP || CD nén ta c6
CM MN AM_MQ:AC—CM_MQ Q P
AC  AB’ AC CD AC -~ CD
_Cle_MN:MQ:MN A B
AC AB CcD CD
1 1 24
= MN = == N
L1 L1 7 >
AB CD 6 8

. T
Vay canh ctia hinh thoi can tim la -~
Chon dap an @ O

Cau 58. Cho hinh chép S.ABCD c6 diy ABCD la hinh binh hanh. Goi d la giao tuyén ctia hai mit phing
(SAD) va (SBC). Khang dinh nao sau day la ding?

A. d qua S va song song véi AB. B. d qua S va song song véi BC.
C. d qua S va song song v6i DC. D. d qua S va song song véi BD.
“Loi giai.
S e (SAD)N (SBC)
AD C (SAD)
BC c (SBC)
AD || BC
= (SAD)N(SBC)=d || AD || BC va d di qua S.

Chon dap an O

Cau 59. Cho tit dien déu SABC. Goi I la trung diém ctia doan AB, M 1l diém di dong trén doan AI.
Qua M vé& mit phing () song song véi (SIC). Thiét dien tao bdi («) véi tit dien SABC 1a

A. hinh thoi. B. tam giac can tai M. C. tam giac déu. D. hinh binh hanh.

L1 giai.
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Trong mit phang (SAB), qua M ké dudng thing song song v6i ST cit SA tai P.
Trong mat phang (ABC), qua M ké dudng thang song song véi IC cat AC tai N.
Thiét dien 13 tam giac MNP. Ta c6

MP MN

< = g = MP=MN (viSI=CI).

Vay thiét dien 1a tam giac MNP can tai M.
Chon dap an O

Cau 60. Cho hinh hop ABCD.A’B'C’'D’ va diém M nam giita hai diém A va B. Goi (P) la mit phang di
qua M va song song v4i mit phang (AB’D’). Mat phang (P) cit hinh hop theo thiét dién 1 hinh gi?

A. Hinh ngi giac. B. Hinh luyc giac. C. Hinh tam giac. D. Hinh ti giac.
LS giai.
Nhan thay (BC'D) || (AB'D'") = (BC'D) || (AB'D’) || (P). (1) B C
Do (1), ta gia stt (P) cit BB’ tai N, suy ra (P)N(ABB'A’) = M N,
két hop véi (AB'D') N (ABB'A’) = AB’ suy ra MN || AB’, suy
ra N thuoc canh BB’.
Tuong tu, gia st (P)N(B'C’') = P suy ra (P)N(BCC'B') = NP.
Két hop véi (1) suy ra NP || BC'.
Tuong tu, (P)N(C'D") = @ sao cho PQ || B'D'; (P)NDD' =G
sao cho QG || C'D; (P)N AD = H sao cho GH || AD'".
Tt d6 suy ra thiét dien 1a luc giac MNPQGH.

Chon dap an @ ([

Cau 61. Cho hinh lap phuong ABCD.A'B'C'D’', ACNBD = O,AC'"B'D' = O'. M,N,P lan luct 1
trung diém ctia cac canh AB, BC,CC’. Khi d6 thiét dién do mat phang (M N P) cét hinh lap phuong la
hinh

A. Tam giac. B. Tu giac. C. Ngu giac. D. Luc giac.

L1 giai.
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Ta c6 MN || AC nén (MNP)N (ACC'A") = Pz || AC ||

/
MN, goi Q = PxNAA", PxnOO’ = I. Ma P la trung diém D
ciia CC' nén @, I lan lugt 1a trung diém cia AA’, OO'. e
X6t mit phing (BDD'B') goi 1J N B'D' = H. Theo tinh
chat déi xitng ctia hinh lap phuong va J la trung diém ctia B’
BO nén H la trung diém ctia D'O’.
(MNP) | AC || A’/C" nen (MNP)N (A'B'C'D') = Hy ||
A'C'. Goi E = Hyn A'D', F = HynC'D'. Khi d6 thiét dien
la luc giac MNPFEQ.

-3 D

Chon dap an @ [l

Cau 62. Chon ménh dé ding trong cic ménh dé sau:

A. Trong khong gian hai duong thing chéo nhau thi khong c6 diém chung.
B. Trong khong gian hai duong thing phan biét cling song song v6i mot mat phing thi song song véi
nhau.
C. Néu mit phang (P) chita hai duong thang ciing song song véi mat phang (Q) thi (P) va (Q) song
song v6i nhau.
D. Trong khong gian hinh biéu dién clia mot géc thi phai 1d mot géc bing né.
“Loi giai.
Hai duong thang chéo nhau la hai dudng thing khong ciing nim trong mot mat phing. Do d6 ménh dé
"Trong khong gian hai dudng thang chéo nhau thi khong c6é diém chung" ding.
Chon dap an @ O

Cau 63. Cho tit dien ABCD. Diém M thuoc doan AC (M khac A, M khac C). Mit phang (o) di qua M
va song song véi AB va AD. Thiét dién ctia (a) véi tit dien ABCD 1a hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh vuong. D. Hinh ch@ nhat.
#Lo1 giai.
Trong mit phang (ACD) ké MN || AD,N € CD. A
Trong mit phang (ABC) ké MP || AB, P € BC.

Tu d6 suy ra (o) = (M N P). Ma thiét dién ctia (M N P) va ti dién
ABCD la tam giac MNP.

Chon dap an @ O

Cau 64. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N, P theo thu tu la
trung diém ctia SA, SD va AB. Khing dinh nio sau day ding?
A. (NOM) cat (OPM). B. (MON) || (
C. (PON)N(MNP)=NP. D. (NMP) | (
“Lai giai.

SBC).
SBD).
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MN || AD (dudng trung binh ASAD)
— = MN ||

OP || AD  (duong trung binh ABAD)
OP = O, N, M, P cing nim trong mot mat phing.
{MN | AD || BC C (SBC)

OM || SC c (SBC)
= (OMN) || (SBC).

Chon dap an O

Cau 65. Cho tit dién déu ABCD canh a va G la trong tam tam gidc ABC. Cét ti dién béi mat phang
(P) qua G vi song song v6i mit phang (BCD) thi dién tich thiét dién bing bao nhiéu?

A V3 B, ©V3 c. ©V3, . ©V3

4 18 16 9

4 Loi giad.

Trong mit phang (ABC) ké dudng thing qua G va song song

v6i BC cat AC, AB lan luogt tai H, K. A
Trong mat phang (ACD) ké dudng thang qua H vi song song

v6i CD cat AD tai 1.

Thiét dién can tim 14 KHI.

PR L2
AKHI «~ ABCD theo ti so dong dang bang 3

K I
Do d6 St = +Spop = SEV3 _ V3
KHI—9 BC’D—9 4 - 9 .
B D
C
Chon dap an (D) O

Cau 66. Cho ttt dien déu SABC. Goi I la trung diém ctia canh AB, M la diém di dong trén doan thing
AI. Goi (a) 1a mat phang di qua diém M dong thsi song song véi mit phang (SIC). Thiét dien ctia tit dién
SABC cit bdi mat phang («) 1a

A. mot hinh thoi. B. mot tam gidc can tai M.
C. mot tam giac déu. D. mot hinh binh hanh.
#Loi giai.
Qua M ké dudong thing song song véi ST cit SA tai P. S

Qua M ké dudng thang song song v6i IC cit AC tai N.
Thiét dién ctia S.ABC cit béi (a) 1a tam gidc MNP.
_MP _AM _MN AN NP

Ta c6 = = = , P
S1 Al cr AC  SC

Suy ra AMNP «~ AICS.
Ma AICS can tai S (khong déu) nén tam gidc MNP can tai M
va cling khong déu.

A C

M
1
B

Chon dap an @ ([
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Cau 67. Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD, AB//CD, AB = 2CD. M la diém thuoc
canh AD, (a) la mit phing qua M va song song v6i mat phang (SAB). Biét dién tich thiét dien ctia hinh
. . N 2 P MA
chép cat b6i mit phang (a) bang 3 dién tich tam giac SAB. Tinh ti s6 z = VD
1 3 2
A.w:§. B. z=1. C.xzi. D.x:§.
L3 giai.

(a) || (SAB)
Ta ¢6 { (ABCD)N (SAB) = AB  suy ra giao tuyén clia (o) va (ABCD) la duong thing qua M va
M € (a) N (ABCD)
song song AB, duong thing nay cit BC tai N. Tuong tu giao tuyén ciia (o) va (SBC) la dudng thing qua
N song song SB cat SC tai P, giao tuyén ctia (o) va (SCD) la dudng thang qua P song song C'D cat SD

tai Q. Thiét dien ctia S.ABCD khi cit bdi (o) 1a hinh thang M N PQ.

P S AM
DatCD:a,tacé—Q——Q— -7 & PQ = ar

CD SD AD =z+1 41
1 2
Trong hinh thang ABCD ta c6 MN = v CD+—AB= M.
z+1 z+1 z+1

Goi K 1a hinh chiéu cta S len AB, H la giao cia M N va CK, khi d6 PH || SK va do d6 PH1MN,
PH CH DM 1

thé {i¢ = = =
em aSSK C’K( DA )x+ 1
. SMNPQ PQ+ MN)PH 1 | 2 1
T = = . Th thiét = or=—_.
80 TS me SK - AB T L - I
Chon déap an @ 0

Cau 68. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi d 1a giao tuyén ctia hai mat phing (SAD)
va (SBC). Khiang dinh nao sau day la khing dinh ding?
A. d di qua S va song song v6i BD. B. d di qua S va song song v6i BC.
C. d di qua S va song song v6i AB. D. d di qua S va song song v6i DC.
“Loi giad.
S e (SAD)N(SBC)
Vi ¢ AD C (SAD),BC C (SBC) S

d
AD || BC
nén d = (SAD) N (SBC) la duong thang qua S va song song véi BC.
B
A D
Chon dap an O

Cau 69. Cho tit dien ABCD. Goi Gy, G2, G3 lan lugt 1a trong tam cac tam giac ABC, ACD, ABD. Phat
biéu nao sau day dang?
A. (GngGg) Cét (BCD) B. (GlGQGg) H (BCD)
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C. (G1G2Gs) || (BCA). D. (G1G2G3) khong c6 diém chung (ACD).
LS gii.
Goi M, N, P lan lugt la trung diém ctia BC, CD, BD.

. ,'SGl_SGg_SGg_g
Khi doé: S - SN =

N SP 3
= G1Go H MN, = G1G3 H MP.
Suy ra (G1G2G3) ” (BCD)

Chon dap an @ ([l

Cau 70. Hiy chon ménh dé dang trong cac ménh dé sau day.
A. Hai mit phing phan biét khong song song thi cit nhau.
B. Néu hai mit phéng song song thi moi dudng thing ndm trén mit phing nay déu song song véi moi
dudng thing nim trén mat phang kia.
C. Néu hai mit phéng (P) va (Q) lan lugt chita hai dudng thing song song thi song song véi nhau.
D. Hai mit phing cling song song véi mot duong théng thi song song véi nhau.
Lo giai.
Hai miit phang c6 ba vi tri tuong déi la : song song, cit nhau, triing nhau.
Do d6, hai mat phing phan biét khong song song thi cit nhau.
Chon dap an @ O
Cau 71. Cho hinh hop ABCD.A'B'C'D’. Goi M, N theo thit tu la trung diém AB’, BC. Mit phang
(DM N) cat hinh hop theo mot thiét dien hinh
A. Luc giac. B. Ngi giac. C. Tam giac. D. T giac.
“Loi giai.

Trong mit phang (ABCD), goi E la giao diém ciia ND va AB.

Trong miit phing ABB'A’, goi F, G lan lugt la giao diém ctia EM v6i BB', AA'.

Khi d6 mat phang (DM N) cit hinh hop theo mot thiét dien 1a tit gidc NFGD.

Chon dap an @ O

Cau 72. Khing dinh nao sau day ding?
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Hinh lang tru ding c6 day 1a mot da gidc déu 1a hinh lang tru deéu.
Hinh lang tru ding 13 hinh lang tru déu.
Hinh lang tru c6 day 1a mot da gidc déu la hinh ling tru deéu.

cCawp

Hinh lang tru ti giac déu 1a hinh lap phuong.

#L31 giai.

Hinh lang tru ding c6 day 1a mot da giac déu 1a hinh lang tru deéu.

Chon dap an @ O

Cau 73. Xét cac menh dé sau
(1) Hinh hop 1a mot hinh lang try;
(2) Hinh lap phuong 1a hinh hop ding c¢6 day 1a hinh vuoéng;
(3) Hinh hop c6 cac mit dbi dien bang nhau;
(4) Hinh lang tru c¢6 cac mat bén la hinh binh hanh;
(5) Hinh lang tru c6 tat cd cac mit bén bang nhau.
S6 ménh dé ding trong cdc meénh dé trén 1a
A 2. B. 4. C. 5. D. 3.
LS giai.
Céac menh dé (1), (3) va (4) dang.
Chon dap an @ O

P 2 MA
Cau 74. Cho ti dien ABCD. Trén cac canh AD, BC theo tht ty lay cac diem M, N sao cho aD =

NC 1 . . .
OB - 3 Goi (P) 1a mat phang chita duong thiang M N va song song véi CD. Khi d6 thiét dién cta ti

CB

dien ABCD cét bdéi mit phing (P) 1a
A. mot hinh binh hanh. B. mot hinh thang véi ddy 16n gap 2 lan day nho.
C. mot hinh thang vé6i day 16n gap 3 1an day nhé. D. mot tam giac.

QLviVEikt dudng thang song song véi CD cat AC tai E. A

Qua N, ké dudong théng song song véi CD cat BD tai F.
Khidé ME || NF || CD va (P)=(MENF).

NF BN 2 M

Tacs OD BC 3 = NF=2ME,
CD ~ AD 3
Vay thiét dién cia ABC'D cat béi (P) 1a hinh thang M ENF, trong dé6 day B A D
l6n NF gap 2 lan day nhé ME.
N
C

Chon dap an O

Cau 75. Cho hinh hop ABCD.A'B'C'D’. Goi I la trung diém ctia AB. Mat phang (IB’D’) cit hinh hop
theo thiét dien la

A. hinh binh hanh. B. hinh thang. C. hinh ch nhat. D. tam giac.
“Loi giai.
B'D' c (IB'D")
Tac6 ¢ BD C (ABCD) nén giao tuyén ctia (IB'D’) v6i (ABCD) 1a dudng
BD || B'D'

thang IE qua I va song song véi BD (E € AD).
Vi IE || B'D’ nén thiét dien 1a hinh thang TED'B’.

Chon dép an O
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Cau 76.
Cho hinh 1ap phuong ABCD.A’B'C'D’ canh a. Xét tit dién o 3y
AB'CD’. Cit tt dién d6 bing mat phing di qua tam ciia . =
hinh lap phuong va song song vé6i mat phang (ABC). Tinh ! 7
dién tich ctia thiét dien thu dugc. B i (O
N | 7z
\\ ! //
\ |
\ | 4
\ \ il
\\ | //
N | s
\\\ | ///
N4
R R D
LT A TS
B C
AL B 2 c. ¢ p. %
3 3 2 4
“L3i giai.
Goi I 1a tam ctia hinh 1ap phuong = [ 1a trung diém cta A Iy
AC'. 7 =
Goi (P) 1a mat phang qua I va song song véi (ABC). Khi d6 S 7
(P) cit cac dudng thang AB', B'C, CD', AD' lan lugt tai B’ — 10 7
cac trung diém M, N, P, Q. N // i //,,/
1 2 R Lo
Khi d6 MN—PQ—2AC—G\2[VEL M®IX_"0 1,07 | 3P
/ \\‘\\I _*/_/,/——‘
1 2 // \\ —//’/
NP=MQ=-B'D = av2 PRI <
. 2 2 . ” / /)le/\— ——————— B e D
Do do, thiet dién cta t1 dién cat bdi mit phang di qua tam ST AT
ctia hinh lap phuong va song song véi mit phiang (ABC) la el TN
. . LoaV? B C
hinh thoi M N P(@Q canh bang —5
Mit khac NQ = MP = BC = a.
1 2
Dién tich inh thoi MNPQ Ia § = JNQ - MP = %
Chon dép an (C) 0

Cau 77. Cho b6én ménh dé sau

(1) Néu hai mit phing (o) va () song song véi nhau thi moi dudng thang nim trong mit phiang (a) déu
song song véi (f3).

(2) Hai duong thang nim trén hai mit phing song song thi song song v6i nhau.
(3) Trong khong gian hai duong théng khong c6 diém chung thi chéo nhau.

(4) Ton tai hai dudng thang song song ma mdi dudng théng cit dong thoi hai duong thang chéo nhau cho
trudce.

Trong caAc ménh dé trén c6 bao nhiéu ménh dé sai?
A. 4. B. 3. C. 2 D. 1.
“Loi giai.
— Menh dé (1) 1a ménh dé dung.
— Meénh dé (2) 13 ménh dé sai vi hai duong thang d6 c6 thé chéo nhau.
— Meénh dé (3) 1a ménh dé sai vi hai dudng thing song song ciing khong c6 diém chung.
)

— Meénh dé (4) 1a ménh dé sai vi néu ton tai hai dudng thang nhu trén thi cd 4 duong thing nay dong
phéng (mau thudn véi gid thiét).

Vay c6 3 ménh dé sai.

Chon dap an O
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Cau 78. Mot hinh ling tru c¢6 ding 11 canh bén thi hinh lang try d6 c6 tat ca bao nhiéu canh?
A. 31. B. 30. C. 22. D. 33.

“Loi giai.

Hinh ldang tru c6 dang 11 canh bén suy ra day la da giac ¢6 11 dinh = da giac day ¢6 11 canh.

Vay hinh lang tru c6 ding 11 canh bén thi c6 11 + 11 - 2 = 33 canh.

Chon dap an @ O
Cau 79. Cho hinh hop ABCD.A’B'C'D’. Tim ménh dé sai trong cac ménh dé sau

A. (ABB'A") || (CC'D'D). B. Dién tich hai m#t bén bat ki bang nhau.

C. AA || cC'. D. Hai mit phing day song song véi nhau.

#Loi giai.

Meénh dé sai 13 “Dién tich hai m#t bén bat ki bang nhau”.

Chon dap an O
Cau 80. Cho hinh lang tru ABC.A'B'C’, goi I, J, K lan ludt 1a trong tam AABC, AACC’ va ANAB'C'.
Mit phang nao sau day song song véi (IJK)?

A. (BC'A). B. (AA'B). C. (BB'O). D. (CC'A).
£LoT giad.
Goi M, N, P lan lugt la trung diém BC, CC’ va B'C'. A’

AK AT AL 2

AP AN AM 3
Suy ra (IJK) | (MNP) hay (IJK) || (BB'C).

Ta c6

Chon dap an @ O

Cau 81 (Tac gia: Lé Thi Thu Hing, Email: lethuhang2712@gmail.com).
Cho hinh chép S.ABCD day la hinh thang, day 16n BC = 2a, AD = a, AB = b. Mat bén (SAD) la tam
giac déu. Mat phéng («) qua diém M trén canh AB va song song véi cic canh SA, BC. Mat phing («) cit
CD,SC,SB lan lugt tai N, P,Q. Dat x = AM (0 < z < b). Gia tri 16n nhat ctia dién tich thiét dien tao bdi
() va hinh chép S.ABCD la

a’V/3 a’V/3 a’V/3 a*V/3

A. 6 B. 9 C. 5 5

“Lo1 gidi.

() || SA va BC nén (a) || (SAD)= MQ | SA,NP || SD.
Ta c6 MN || PQ || AD || BC.

Theo dinh 1y Talét trong hinh thang ABCD ta c6

2w
BA CD’

Theo dinh 1y Talét trong ASAB ta c¢6

BM BQ MQ
BA - Bs ~ sa?

Theo dinh ly Talét trong ASCD ta ¢6

ON _CP_PN
CD CS SD’
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b
Tie (1), (2). 3) suy ra MQ = NP = "0 PQ = Y20 MN = a + Lo,
Suy ra thiét dién 1 hinh thang can va
1 MN — PQ\?
S =5 (MN + PQ)\/MQ2 - (2Q>

1 <ab+ ar 2aix) \/aQ(b —z)? B a’(b— )? _1loa a(b+ 3z) a\/g(b —x)
2 b b b2 4b2 2 b 2
a’V3 2%’3x+b+% 3z
. 0y < )
Tz (3T TH)Bb=37) < o
2
Vay dien tich 16n nhat cia thiét dien 1a 2 V3imie= b,

Chon dép 4n (C) O

Cau 82 (Tac gia: Dang Duy Hiuing). cho hinh hop ABCD.A'B'C'D’. Trén canh AB lay diém M khéc
. ) AM

A va B. Goi (P) la mit phang di qua M va song song v6i mat phang (ACD'). Pat — =k, 0 < k < 1.

AB
Tim k dé thiét dien ctia hinh hop vA mat phang (P) c6 dién tich 16n nhat.
1 1 2
A k=—-. B.k‘zé. C. kE=-. D. k=-.
2 4 4 5

Lo giai.

D/ Q Cl

Trong mit phang (ABCD), qua M ké dutng thing song song véi AC cit DB, BC lan lugt tai E, N.
Trong mat phang (BDD'), qua E ké duong thing song song v6i OD’ cit B’ D’ tai F.
Trong mit phang (A’B'C'D’), qua F ké dudng thing song song véi AC cit A’D’, D'C’ 1an luct tai R, Q.
Trong mat phang (AA’DD’) qua R ké dudng thing song song v6i AD’ cit AA’ tai S.
Trong mit phang (CC'D’'D), qua Q ké dudng thing song song v6i CD’ cit CC’ tai P.
Vay thiét dien 13 luc gidc MNPQRS.
Do cac mat doi dién ctia hinh hop song song nén cac canh déi ctia luc giac thiét dien M N PQRS song song
va 3 cdp canh d6 lan lugt song song vdi cac canh tam giac ACD’'. Cac tam giac JKI, ACD', RQI, JMS,
NKP dong dang

MJ _ MA NC NK PC PK_QD’ QI

T MN _ MB NB NM ~PC’T PQ QC' T QP

= MJ=NK va PK = QI.
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Suy ra cac tam giac RQI, JMS, N K P bang nhau (goi dién tich ctia ching 1a S; va dién tich cic tam giac
JKI, ACD' 1an lugt 1a S, S).

,Sl_<JM>2_<AM>2_<AM>2_ ) o
Ta c6 < =\ac) =\pe) =\um =k* =51 =k°S.
S JKN\? (JM+4+ MK\?

2= (G0) - (Fg™) —t+es=aps

Dién tich thiét dien
3S

Std:52—351:25(—k2+k+1)37

2

L s 1
Dau ding thic xay ra khi k = 3
Chon dap an @ O

Cau 83. Cho hinh choép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N, P theo thu ty la
trung diém ctia SA, SD vh AB. Khing dinh nao sau day ding?
A. (NOM) cat (OPM). B. (MON)//(SBC).
C. (PON)N(MNP)=NP. D. (NMP)//(SBD).
“Loi giai.
Xét hai mit phang (MON) va (SBC).
Ta c6: OM//SC va ON//SB.
Ma BSNSC=CvaOMNON = 0.
Do d6 (MON)//(SBC).

Chon dap an O
Cau 84. Cho hinh lang try ABCDA'B'C’'D’. Tim ménh dé sai trong caAc ménh dé sau:

A. (AA'B'B) song song véi (CC'D'D). B. Dién tich hai m#t bén bat ki bang nhau.

C. AA’ song song véi CC". D. Hai mat phing day song song véi nhau.

“L3i giai.

Dép 4n 1 B.
Chon dap an 0
Cau 85. Tim ménh dé ding trong cdc ménh dé sau day
A. Néu hai dudng thang song song v6i nhau lan lugt nim trong hai mit phéng phan bigt (P) va (Q) thi
(P) va (Q) song song véi nhau.
B. Qua mot diém nim ngoai mat phing cho trude ta vé duge mot va chi mot duong thing song song véi
mat phang cho trude do.
C. Néu hai mit phiang (P) va (Q) song song v6i nhau thi moi dudng thing nim trong mat phing (P)
déu song song véi mat phing (Q).
D. Néu hai mit phang (P) va (Q) song song v6i nhau thi moi dudng théing nim trong mit phang (P)
déu song song véi moi dudng thing nim trong mat phang (Q).
#LSi giai.
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Chon dap an (C) 0

Cau 86. Trong cac ménh dé sau, ménh dé ndo ding?

Hai duong thing ciing song song v6i mot dudng thang thit ba thi song song véi nhau.

Hai duong théng ciing song song v6i mot duong thang thit ba thi triing nhau.

Hai duong théng cling song song v6i mot dudng théng thi ba thi song song véi nhau hoic triing nhau.
Hai duong théng cling song song v4i mot duong thing thi ba thi ching lan lugt ndm trén hai mat
phéng song song..

“Loi giai.

Hai duong thing cling song song véi mot duong thang thit ba thi song song v6i nhau hoiic tring nhau.
Chon déap an (C) O

SCawp

Cau 87. Trong cac khang dinh sau, khing dinh nao ding?
A. Hai duong thing chéo nhau thi ching c6 diém chung.
B. Hai duong thing khong c6 diém chung 13 hai dudng thing song song hoiic chéo nhau.
C. Hai duong thing song song v6i nhau khi ching & trén cting mot mit phing.
D. Khi hai duong thang & trén hai mit phing phan biét thi hai dudng thing dé chéo nhau.
“LG1 giai.

— Menh dé “Hai duong théng chéo nhau thi ching c6 diém chung” sai vi hai duong thang chéo nhau thi
chiing khong c6 diém chung.

— Menh dé “Hai duong thing song song véi nhau khi ching & trén ciing mot mit phang” sai vi c6 thé
x4y ra truong hop hai dudong thang dé hoac cit nhau hoiic triing nhau.

— Menh dé “Khi hai duong théng & trén hai mat phing phan biét thi hai duong thing dé chéo nhau” sai
Vi ¢6 thé xay ra truong hop hai dudng thing dé song song.

Chon dap an O

Cau 88. Cho ba mat phang phan biét (o), (8), (7) ¢ ()N (B) =dy; (B) N (y) = do; (o) N (7) = ds. Khi
dé6 ba duong théng di, da, d3

A. doi mot cat nhau. B. doi mot song song.

C. dong quy. D. doi mot song song hodc dong quy.
LS giai.
Néu ba mit phang doi mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén ay hoic dong quy hoic
do6i mot song song.
Chon dap an @ ([

Cau 89. Trong cdc ménh dé sau, ménh dé nao ding?

A. Hai mat phing khong cit nhau thi song song.

B. Hai mit phing cling song song v6i mot duong théng thi cit nhau.

C. Qua mot diém nim ngoai mot miit phang cho trude c¢6 duy nhat mot mit phang song song véi mat

phéng dé.

D. Qua mot diém ndm ngoai mot mat phéng cho trude cé vo sé6 mat phing song song véi miit phang doé.
#Loi giai.
Trong khong gian, hai mit phing c6 3 vi tri tuong déi: triing nhau, cit nhau, a
song song véi nhau. Vi vay, 2 mat phang khong cit nhau thi c6 thé song song
hodc tring nhau = A 13 ménh dé sai.
Hai mit phing ciing song song véi mot dudng thing thi ching c6 thé song
song v6i nhau (hinh vé) = B la ménh dé sai.

A
Ta c6: a || (P),a | (Q) nhung (P) v& (Q) van c6 thé song song v6i nhau.
A

Meénh dé C la tinh chat nén C dung.

Chon dap an @ O

Cau 90. Trong cac diéu kien sau, diéu kién nao két luan mp (a) || mp (8)?
A. (a) || () va (B) [I (v) ((7) la mét phang nao do).
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B. () || a va («) || b v6i a,b 1 hai duong thing phan bigt thuoc (3).

C. (a) || a va (a) || b v6i a,b 1 hai dusng thing phan bigt ciing song song véi (3).
D. () || a va (a) || b v6i a,b 1 hai duong théng cit nhau thuoc(f).

#LS gii.

(@14

S e

Hinh 1. Hinh 2.

Trong trudng hop: (a) || () va (8) || () ((7) 1a mat phang ndo d6) thi (o) va (B) c6 thé trung nhau =
Loal A.

(a) || @ v& () || b v6i a, b 1a hai dudng thang phan biet thuoc (8) thi (a) va (8) vAn c6 thé cit nhau (hinh
1) = Loai B.

(a) || @ va (a) || b v6i a,b 1 hai dudng thang phan bigt ciing song song vdéi (3) thi (o) va (8) vAn c6 thé cit
nhau (hinh 2) = Loai C.

Chon dap an @ O

Cau 91. Trong cac ménh dé sau, ménh dé ndo ding?
A. Néu hai mat phang («) va (8) song song v6i nhau thi moi dudng thang ndm trong (a) déu song song
véi (B).
B. Néu hai mat phing (a) va (8) song song v6i nhau thi bat ki dudng thing nio ndm trong () ciing
song song véi bat ki dudng thang nao nim trong (3).
C. Néu hai dudng thang phan biét a va b song song lan lugt nim trong hai mat phing (o) va () phan
biet thi a || (8).
D. Néu dudng thang d song song v6i mp («) thi né song song véi moi dudng thang nim trong mp ().
L1 giai.

A/“ < d
/ﬁ<\ v

Hinh 1. Hinh 2. Hinh 3.

Néu hai mit phing («) va (3) song song v6i nhau thi hai dudng thing bat ki 1an lugt thuoe (o) va (B) c6
thé chéo nhau (Hinh 1) = Loai B. Néu hai dutng thang phan biét a v& b song song lan lugt nim trong hai
mit phang (a) v (8) phan bigt thi hai mit phang («) va (8) c¢6 thé cit nhau (Hinh 2) = Loai C. Néu
dudng thing d song song véi mp (a) thi né cé thé chéo nhau véi mot duong thang nio dé nim trong ().
(Hinh 3).

Chon dap én (A) O
Cau 92. Cho hai mit phéng song song () va (8), dudng thang a || (o). C6 méy vi trf tuong déi clia a va
(8)?

A. 1. B. 2. C. 3. D. 4.

LS giai.

Trong khong gian, giita dudng thing vi mat phing c6 3 vi tri tuong déi: dudng thing cit mit phang, dudng
thing song song v6i mat phing, dudng thing ndm trén mait phéng. a || (o) ma (a) || (8) = a v (a) khong
thé cat nhau. Vay con 2 vi tri tuong doi.
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Chon dap an O

Cau 93. Cho hai mit phang song song (P) va (Q). Hai diém M, N lan lugt thay doi trén (P) va (Q). Goi
I 1a trung diém ctia M N. Chon khang dinh ding.
A. Tap hgp cac diém I la duong thang song song va cach déu (P) va (Q).
B. Tap hgp cac diém I 1a mit phing song song va cich déu (P) va (Q).
C. Tap hgp cac diem I 13 mot mat phang cat (P).
D. Tap hop cac diém I 1a mot duong thang cat (P).
#Lo1 giai.
Ta c6: I 1a trung diém ctia M N = Khoang cach tit I dén (P) bing khoang
cach tit I dén (Q) = Tap hop cic diém I 1a mat phing song song va cach
déu (P) va (Q). '

Chon dap an O

Cau 94. Trong cac diéu kién sau, diéu kién nao két luan duong thang a song song v6i mit phang (P)?
A . al|bvabcC (P). B. albvabl| (P).
C all (Qw (@] (P). D. aC(Q) vabC (P).
HLOT giai.
Ta cé:a || bvabC (P)suyraal| (P)hoica C (P) = Loai A. a || bva b | (P) suy ra a || (P) hodc
a C (P)= Loai B. a | (Q) va (Q) || (P) suy ra a || (P) hoac a C (P) = Loai C.
Chon dap an (D) O

Cau 95. Trong cac ménh dé sau, ménh dé ndo ding?
A. Néu (a) || (B) vaa C (o), bC (B) thia || b.
B. Néu (a) || (8) vaa C (a), b C (8) thi a va b chéo nhau.
C. Néua|bvaacC (a), bC(B) thi ()| (B).
D. Néu () N () = a, ()N (B) =bva (a) | (B) thia | b.
£LoE giai.

Néu () || (B) vaa C (), b C (B) thi a || b hodc a chéo b = A, Bsai. Neua || bvaa C (a), b C (B) thi
() || (B) hodc (a) va (B) cat nhau theo giao tuyén song song véi a va b.
Chon dap an @ ([
Cau 96. Cho duong thiang a C (P) va dudng thang b C (Q). Ménh dé nio sau day ding?

A (P)(@=alb B.alb=(P) (@)

C.(P)(Q)=al| (Q)vabl| (P). D. a va b chéo nhau.

HLS giad.

V6i dudng thang a C (P) va dudng thing b C (Q).

Khi (P) || (Q) = a || b hoac a, b chéo nhau = A sai.

Khia || b= (P) || (Q) hoac (P),(Q) cit nhau theo giao tuyén song song véi a va b = B sai.

a va b c6 thé chéo nhau, song song hodc cit nhau = D sai.

Chon dap an @ (Il

Cau 97. Hai dudng thang a va b nidm trong mp (o). Hai duong thang o’ va b’ nam trong mp (8) . Ménh dé
nao sau day dang?

A. Néual d vab| b thi ()] (B). B. Néu (a) || (B) thia | o vab| V.

C. Néua || bvad || b thi (a) | (B). D. Néuacatbvaal d, b| ¥ thi («) | (8).
AL giai.
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/ - .
Zea A

Hinh 1. Hinh 2.

Néua || a’ va b | b thi (a) | (8) hodc («) cat (8) (Hinh 1) = A sai. Néu («) || (8) thi a || ¢ hodic a,d’ chéo
nhau (Hinh 2) = B sai.

Néua || bvad || b thi (a) || (8) hodc () c&t CC’. (Hinh 1) = C sai.

Chon dap an @ O

Cau 98. Cho hai mit phang (P) va (Q) cit nhau theo giao tuyén A. Hai dudng thang p va ¢ 1an lugt ndm
trong (P) va (Q). Trong cac meénh dé sau, ménh dé nao ding?
A. p va ¢ cat nhau. B. p va ¢ chéo nhau.
C. p va ¢ song song. D. C& ba ménh dé trén deéu sai.
#L31 giai.
Ta c6 p va ¢ c¢6 thé cit nhau, song song, chéo nhau (hinh vé).

Chon dap an @ O

Cau 99. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N, I theo tha ty la
trung diém ctia SA, SD va AB. Khing dinh nao sau day ding?

A. (NOM) cit (OPM). B. (MON) || (SBC)
C. (PON)N(MNP)=NP. D. (NMP) | (SBD).
“Loi giai.
Ta ¢c6 M N la dudng trung binh cia tam giac SAD suy ra MN || AD S

(1).

Va OP la duong trung binh ctia tam giac BAD suy ra OP || AD (2).
Tit (1), (2) suy ra MN || OP || AD = M, N, O, P dong phéng.

Lai c6 MP || SB,OP || BC suy ra (MNOP) || (SBC) hay (MON) ||
(SBC).

Chon dap an O

Cau 100. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Tam giac SBD déu. Mot mit
phing (P) song song véi (SBD) va qua diém I thuoc canh AC (khong tring véi A hoac C). Thiét dien ciia
(P) va hinh chép la hinh gi?

A. Hinh hinh hanh. B. Tam giac can. C. Tam giic vuodng. D. Tam giic déu.
#LSi giai.
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Goi MN la doan thing giao tuyén ctia mat phang (P) va miat day
(ABCD). Vi (P) || (SBD),(P)n (ABCD) = MN va (SBD) N
(ABCD) = MN suy ra MN || BD.

Lap luan tuong tuy, ta cé

(P) cat mat (SAD) theo doan giao tuyén NP véi NP || SD.

(P) c&t mat (SAB) theo doan giao tuyén M P véi MP || SB.

Vay tam giac M N P dong dang v6i tam giac SBD nén thiét dién ctia
(P) va hinh chép S.ABCD la tam giac déu M N P.

Chon dap an @ O

Cau 101. Trong cic ménh dé sau, ménh dé nao sai?

A. Hinh lang tru c¢6 cac canh bén song song va bang nhau.

B. Hai mit day ctia hinh lang tru ndm trén hai mat phang song song.

C. Hai day ciia lang tru 1a hai da giac déu.

D. Céac mit bén cta lang tru la cac hinh binh hanh.
“Loi giai.
Xét hinh lang tru c6 day 1a mot da gidc (tam giac, tit giac, ... ), ta thay rang hinh ling tru ludn c6 cac canh
bén song song va bang nhau. Hai mit day clia hinh lang tru nim trén hai mit phing song song. Hai day
clia lang tru 1a hai da gidc bang nhau (tam giac, t@ giac, ...). Cdc mat bén ctia lang tru la cdc hinh binh
hanh vi ¢6 hai canh 1a hai canh bén ctia hinh ling try, hai canh con lai thudc hai day song song.
Chon dap an @ O

Cau 102. Trong cic ménh déu sau, ménh dé ndo sai?

A. Cac canh bén ctia hinh lang tru bang nhau va song song véi nhau.

B. Cac mit bén ctia hinh ling tru 1& cac hinh binh hanh.

C. Céac mit bén ctia hinh ling try 13 cac hinh binh hanh bing nhau.

D. Hai ddy ctia hinh lang tru 1a hai da gidc bang nhau.
“Loi giai.
Cac mat bén ctia hinh ling tru & cac hinh hinh hanh, ching bang nhau néu hinh lang tru c6 day la tam
giac déu.
Chon dap an @ O
Cau 103. Trong cac ménh déu sau, ménh dé nao dung?

A. Céc canh bén ctia hinh chép cut déi mot song song.

B. Cac canh bén ctia hinh chép cut la cac hinh thang.

C. Hai day ctia hinh chép cut 1a hai da gidc dong dang.

D. C4& 3 ménh dé trén deéu sai.
#Loi giai.
Xét hinh chép cut c6 ddy 1a da gidc (tam gidc, ti gidc, ...) ta thay ring: Cac canh bén ctia hinh chép cut
doi mot cat nhau. Cac mat bén ciia hinh chép cut 1a cac hinh thang can. Hai ddy ctia hinh chép cut 1a hai
da giac dong dang.
Chon dap an @ O

Cau 104. Trong cic ménh déu sau, ménh dé nao sai?
A. Trong hinh chép cut thi hai day 1& hai da giac c6 cac canh tuong ing song song va cac ti so cac cap
canh tuong ting bang nhau.
B. Cac mit bén ctia hinh chép cut 1a cac hinh thang.
C. Cac mit bén cia hinh chép cut 1a cac hinh thang can.
D. Duong thang chita cic canh bén ciia hinh chép cut dong quy tai mot diém.
“LoT giad.
Véi hinh chép cut, cac mét bén ciia hinh chép cut 1a cac hinh thang.
Chon dap an @ ([l

Cau 105. Cho hinh ling tru ABC.A’B'C’. Goi M, N lan luct 1a trung diém ctia BB’ va CC’. Goi A 1a
giao tuyén ctia hai mat phang (AMN) va (A’B'C’) . Khing dinh nao sau day ding?
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A. A AB. B. A AC. C. A || BC. D. A || AA.
“Loi giai.
MN C (AMN)
Ta c6 ¢ B'C' C (A'B’C") — A la giao tuyén ctia hai mit phéng A o
MN || B'C’
(AMN) va (A'B'C") sé song song v6i M N va B'C’. Suy ra A || BC.

Chon dap an @ O

Cau 106. Cho hinh lang tru ABC.A’B'C’. Goi H la trung diém ctia A’B’. Mit phang (AHC') song song
v6i dudng thing nao sau day?

A. CB. B. BB C. BC. D. BA'.
LS giai.
Goi M la trung diém ctia AB suy ra MB' | AH = MB' || (AHC").
(1)
Vi M H la dudng trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va bang BB’ néen M H song song va bang CC’
— MHC'C 1a hinh hinh hanh = MC || HC' = MC || (AHC'). (2)
Tu (1) va (2), suy ra (B'MC) || (AHC") = B'C || (AHC").

Chon dap an @ O

Cau 107. Cho hinh ling tru ABC.AB;Cy. Trong cac khiang dinh sau, khing dinh nio sai?

A. (ABC) || (A1 B1Ch). B. AA; || (BCCY).

C. AB H (AlBlCl). D. AAlBlB 14 hinh chuw Ilhat.
#Loi giai.
Vi mit bén AA; By B 13 hinh binh hanh, con né 14 hinh chit nhat néu ABC.A;B1C; 14 hinh lang tru ding.
Chon dap an @ ([

Cau 108. Cho hinh hop ABCD.A’B'C'D'. Khéng dinh nao dudi day la sai?

A. ABCD la hinh binh hanh.
B. Céc dusng thing A'C, AC', DB’, D'B dong quy.
C. (ADD'A') || (BCC'B).
D. AD'CB la hinh chit nhat.
“Loi giai.
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Dita vao hinh vé va tinh chat cia hinh hop chit nhat, ta thay
rang:

— Hinh hop ¢6 day ABCD 1a hinh binh hanh.

— Cac duong thang A’C, AC’, DB’, D'B cat nhau tai tam
cua AA'C'C,BDD'B'.

— Hai miat ben (ADD'A’), (BCC'B’) dbi dién va song song
v6i nhau.

— AD' va CB 1 hai dudng thang chéo nhau suy ra AD'CB
khong phai 1a hinh chit nhat.
Chon dap an (D) O

Cau 109. Cho hinh hop ABCD.A'B'C'D’ ¢6 cac canh ben AA’, BB',CC’', DD'. Khang dinh nao duéi day
sai?
A. (AAB'B) || (DD'C'C). B. (BA'D') || (ADC").
C. A’B’CD la hinh binh hanh. D. BB'D’'D la mot tit giac.
£L3H gidi.
Dira vao hinh vé dudi va tinh chat ctia hinh hop, ta thay rang:

— Hai mat ben (AA’B’'B) va (DD'C’'C) déi dién, song song
v4i nhau.

— Hinh hop ¢6 hai day (ABCD),(A’B'C'D’) 1a hinh binh
hanh = A’'B’ = CD va A’B’' | CD suy ra A’/B'CD la
hinh hinh hanh.

— BD || B'D’' suy ra B,B’, D', D dong phing = BB'D'D
la tit giac.

— Mat phang (BA’D’) chita duong thang CD' ma CD’ cit
C'D suy ra (BA'D') khong song song v6i mit phang
(ADC").

Chon dap an O

Cau 110. Néu thiét dien ctia mot lang tru tam giac va mot mat phing 1d mot da gidc thi da giac do6 co
nhiéu nhat may canh?

A. 3 canh. B. 4 canh. C. 5 canh. D. 6 canh.
“Loi giad.
Da giac thiét dién ctia mot lang tru tam giac vA mot mit phing cé nhidu nhat 5 canh véi cac canh thudc
cadc méat cua hinh ling tru tam giac.
Chon dap an @ O

Cau 111. Néu thiét dien ctia mot hinh hop vd mot mat phéng 1a mot da giac thi da gide d6 c6 nhiéu nhét
may canh?

A. 4 canh. B. 5 canh. C. 6 canh. D. 7 canh.
4L giai.
Vi hinh hop la hinh lang tru c6 day 1a t& gide vi c6 6 mit nén thiét dién ctia hinh hop va mit phang bat
ki 1a mot da gidc c6 nhiéu nhat 6 canh.
Chon dap an @ ([

Cau 112. Cho hinh hop ABCD.A'B'C'D’. Goi I 1a trung diém ctia AB. Mat phéng (IB’D’) cat hinh hop
theo thiét dién 1a hinh gi?

A. Tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh ch@ nhat.
#L3H giai.
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B'D' c (IB'D')
Ta ¢6 ¢ BD C (ABCD) — Giao tuyén cta (IB'D’) v6i (ABCD)
B'D"|| BD
la dudng thing d di qua I va song song véi BD. Trong mit phing
(ABCD), goi M =dNAD — IM || BD | B'D’. Khi d6 thiét dien
1 t@ gidc IM B'D’ va tit giac nay 1a hinh thang.

Chon dap an O

Cau 113. Cho hinh hop ABCD.A'B'C'D’. Goi (a) 1a mit phing di qua mot canh ctia hinh hop va cat
hinh hop theo thiét dién la mot t giac 7. Khing dinh nao sau day ding?

A. T 1a hinh ch nhat. B. T 1a hinh binh hanh.
C. T la hinh thoi. D. T la hinh vudng.
HLSI giai.
Gi& sit mat phing (a) di qua canh AB va cit hinh hop theo ti
giac T. Goi d la dudng thang giao tuyén ciia (o) vd mit phing
(A'B'C'D’). Ta ching minh dugec AB || d suy ra ti gidc T 1a mot
hinh binh hanh.

Chon dap an 0

Cau 114. Cho hinh chép cut tam giac ABC.A’B'C’" ¢6 2 day la 2 tam giac vuong tai A va A’ va ¢6
AB 1 SaABc

1 1
A - B. -. C. 2. D. 4.
2 4

&L gia.

Hinh chép cut ABC.A’B'C’ ¢6 hai mit day la hai miit phéng song song A o
5 S
nén tam gidgc ABC dong dang tam gidc A’B'C’ suy ra —=25C — V
SAA/B/C/

1
5 AB-AC up  ac 1

1 A'BT ACT 4

S AR Al

5 A'B - AC A (04
B/

Chon dap an O

Cau 115. Cho hinh chép S.ABC ¢6 day la tam giac ABC théa man AB = AC = 4,54\0 = 30°. Mat
phéng (P) song song véi (ABC) cat doan SA tai M sao cho SM = 2M A. Dién tich thiét dién ctia (P) va
hinh chép S.ABC bang bao nhiéu?
16 B 1 c. 2 D. 1.

9 9 9
#LSi giai.

A.
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1 — 1
Ta ¢6 Saapc = i-AB-AC-sinBAC: 5-4-4-s,in300 = 4. Goi g

N, P lan lugt 1a giao diém ctia mat phang (P) va cac canh SB,SC. Vi
SM SN SP 2
P ABC) nén th dinh 1i Talet, ta ¢c6 — = — = — = —.
(P) | ( ?nen eoo din 1ae,a/coSA B SC = 3
Khi d6 (P) cit hinh chép S.ABC theo thiét dien 1a tam giac MNP déng Y N
. 2
dang véi tam gidc ABC theo ti s k = —.
2 16 A C

2
Vay Samnp = k* - Saapc = <3> 4= 9

Chon dap an @ O

Cau 116. Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang can v6i canh bén BC = 2, hai day
AB = 6,CD = 4. Mat phing (P) song song véi (ABCD) va cit canh SA tai M sao cho SA = 3SM. Dién
tich thiét dien ctia (P) va hinh chép S.ABCD béng bao nhiéu?

A DY3 B, 2Y3, c. 2. p. TV3
9 3 9
“L3i giai.
D C
A H K B

Goi H, K lan lugt 1a hinh chiéu vuong géc ctia D, C trén AB.

AH =BK;CD=HK
ABCD la hinh thang can = = BK =1.
AH + HK + BK = AB

Tam gidac BCK vuong tai K, c6 CK = v/BC? — BK2 = /22 — 12 = /3. Suy ra dién tich hinh thang

AB +CD 1
ABCD 1a Supep = CI - AB+CEP _ g 446 _ o

2 2
Goi N, P,Q lan lugt 13 giao diém ctia P va cac canh SB, SC,SD. Vi (P) || (ABCD) nén theo dinh 1i Talet,
g MN NP PQ _ QM _1
a co = = = —_——
AB BC CD AD 3
. P 9V 3
Khi d6 (P) cat hinh chép theo thiet dien M N PQ c6 dién tich Synpg = k? - Sapcp = \9[

Chon dap an @ ([

Cau 117. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh ¢6 tam O, AB =8, SA =SB = 6.
Goi (P) 1a mat phang qua O va song song v6i (SAB). Thiét dién ctia (P) va hinh chép S.ABCD cé dién
tich bang

A. 5V5. B. 6/5. C. 12. D. 13.

L1 giai.
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Qua O ké duong théng d song song AB va cit BC, AD lan luct tai
P,Q. Ké PN song song véi SB(N € SB), ké QM song song véi
SA(M € SA). Khi d6 (MNPQ) || (SAB) = thiét dien cta (P)
va hinh chép S.ABCD la ti giac M N PQ.

Vi P,Q la trung diém ctia BC,AD suy ra N,M lan lugt la
trung diém ctia SC,SD. Do d6 MN la duong trung binh tam

giéeSCD:MN:CTD_ATB:ALVaNP:STB:3;
A
QM:%:3¢NP:QM:>MNPQ 1& hinh thang can.

1
Ha NH, MK vubdng gbéc v6i PQ. Tacé PH = KQ = PH = E(PQ—MN) =2.
Tam gidc PHN vuong, c6 NH = /5.

P NM
Vay dién tich hinh thang MNPQ la Syynpg = NH - L =

5 6v/5.
Chon dap an O

Cau 118. Cho hinh ling tru ABC.A’B'C’. Goi H la trung diém ctia A’B’. Pudng théing B’'C song song
v6i mat phang nao sau day?

A. (AHC'). B. (AA'H). C. (HAB). D. (HA'C).
#LS gii.
Goi M la trung diém ctia AB suy ra MB' || AH
= MB'|| (AHC"). (1)
Vi M H la dudng trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va biang BB’ nén M H song song va bang C'C’
— MHC'C 1a hinh hinh hanh = MC || HC! = MC || (AHC"). (2)
T (1) va (2), suy ra (B'MC) | (AHC') = B'C || (AHC").

Chon dap an @ O

Cau 119. Tim ménh dé ding trong cac ménh dé sau.
A. Néu hai mat phing () va(3) song song véi nhau thi moi duong thing nim trong (o) déu song song
véi ().
B. Néu hai mat phang («) va (8) song song v6i nhau thi moi dudng thang ndm trong (a) déu song song
v6i moi duong thing nim trong ().
C. Néu hai dudng théng song song v6i nhau lan lugt nim trong hai mit phdng phan biét («) va(B) thi
(o) va (B) song song véi nhau.
D. Qua mot diém nim ngoai mat phing cho trude ta vé duge mot va chi mot duong thing song song véi
mat phang cho trude do.
#L3i giai.
Dap an B, C sai. Hai dudng théng lan lugt ndm trén hai mit phing song song v6i nhau thi cé thé chéo
nhau.
Dap an D sai vi qua mot diém nim ngoai mat phang cho trude ta vé duge vo sé6 duong thang song song véi
mit phing cho trude do.
Chon dap an @ O

Cau 120. Cho tt dien ABCD. Goi M, N, P,Q, R, S lan lugt 1 trung diém cac canh AC, BD, AB, CD,
AD, BC. Bén diém nao sau day khong dong phang?

A. P,Q,R,S. B. M,P,R,S. C. M,R,S,N. D. M,N,P,Q.
#LSi giai.
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Dé thay (MPR) || (BCD), ma S € (BCD) & S ¢ (MPR). "
Vay M, P, R, S khong dong phéng.

P R
B D
Q
C

Chon dap an @ ([
Cau 121. Trong cidc ménh dé sau day, ménh dé nao dang?

A. Néu (a) || (B) vaa C (a),bC (B) thia | . B. Néua | (o) vab| (8) thia | b.

C. Néu (a) || (B) vaa C () thia || (B). D. Néual|bvaacC (a),bC (8)thi (o) | (B).

Cau 122. Trong khong gian, cho hai mat phidng phan bigt (a) va (3). C6 bao nhiéu vi tri tuong doéi giita
(a) va (8)?

A 1. B. 2. C. 3. D. 4.
LS giad.
Trong khong gian hai mit phang phan biét (a) va (8) ¢6 hai vi tri tuong doi 1a: cit nhau hay song song.
Chon dap an @ O

Cau 123. Cho t dien déu SABC. Goi I la trung diém ctia doan AB, M la diém di dong trén doan AI.
Qua M vé mit phiang () song song véi (SIC) . Thiét dién tao bdi (o) véi tit dien SABC 1a

A. Tam gidc can tai M. B. Tam giac déu. C. Hinh binh hanh. D. Hinh thoi.
“Loi giai.
MN || ST

Goi N, P lan lugt ndm trén cac canh SA, AC sao cho ) g
MP | IC

& (MPN) || (SIC) & (MNP) = (a).

Vay thiét dien 13 tam giac M NP.

Tit dien SABC déu nén tam gidc SIC can tai I.

AM MP ~MN N
Ngoai 5 = = MN = MP.
goal ra ta co AT P MP<:>
Suy ra tam giac MNP can tai M. C

A
M
1
B

Chon dap an (A) O

Cau 124. Cho tit dien déu SABC canh bing a. Goi I 1a trung diém ctia doan AB, M 13 diém di dong trén
doan AI. Qua M vé mat phang () song song véi (SIC) . Tinh chu vi ctia thiét dién tao bdi () v6i tit dien
SABC, biét AM = .

Az (1 + \/?:) B. 2z (1 + \/3) C. 3x (1 + \/3) D. Khong tinh dugc.

L1 giai.
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) . . AM
be y hai tam gidc MNP va SIC dong dang véi ti so YT g
2 C 2 2
= MNP~ 2 o Cuwp = —(SI+IC+SC) =
a Csic a a
2¢ (av/3 aV3
C
A
M
I
B
Chon dap én O

Cau 125. Cho hinh binh hanh ABCD. Goi Bz, Cy, Dz la cic dudng thing song song v6i nhau lan lugt di
qua B, C, D va nidm vé mot phia ciia mat phing (ABCD) dong thoi khong ndm trong mit phang (ABCD) .
Mot mat phang di qua A cit Bz, Cy, Dz lan lugt tai B',C’, D’ véi BB’ = 2,DD’ = 4. Khi dé do dai CC’
bang bao nhiéu?

A. 3. B. 4. C. 5. D. 6.
A Loi giad.
Goi O 1 tam ctia hinh binh hanh ABCD. Dung dudng thing qua o

O song song BB’ va cat B'D’ tai O'.

Theo cach dung trén, ta c6 OO’ 1la dudng trung binh ctia hinh
BB + DD’

thang BB'D'D < OO0’ = + = 3.

Ngoai ra ta c6 OO’ 1a duong trung binh clia tam gidc ACC’

& CC' =200 = 6.

Dl

Chon dap an @ O

Cau 126. Cho hinh vuong ABCD va tam giac déu SAB nidm trong hai mit phing khac nhau. Goi M la
diém di dong trén doan AB. Qua M vé mit phing () song song v6i (SBC). Thiét dién tao bdi () va hinh
chop S.ABCD I hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh thang. D. Hinh vudng.
#L3i giai.
Lan lugt 1ay cac diém N, P,Q thuoc cac canh CD, SD,SA théa MN ||
BC,NP || SC,PQ || AD.
Suy ra (o) = (MNPQ) va («) || (SBC). Theo cach dung trén thi thiét
dién la hinh thang.

Chon dap an @ ([

Cau 127. Cho hinh vuong ABCD va tam giac déu SAB niam trong hai mat phiang khac nhau. Goi M 1a
diém di dong trén doan AB. Qua M vé mit phang (a) song song véi (SBC). Goi N, P, Q lan lugt 1 giao
cia mit phang (a) véi cadc dudng thing CD,SD, SA. Tap hop cac giao diém I ciia hai duong thang MQ
va NP la
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A. Duong thang song song v6i AB. B. Nita dudng théng.

C. Doan thing song song véi AB. D. Tap hop rong.
#Loi giai.
Lan lugt 1ay cac diém N, P, Q thudc cac canh CD, SD, SA thoa T
MN || BC,NP || SC,PQ || AD. Suy ra (a) = (MNPQ) va
(@) || (SBO).

. 1,5 € (SCD) o
Vil=MQ@NNP < < I nam trén dudng

{I,SG(SAB)

thang 1 giao tuyén ciia hai mat phang (SAB) va (SCD).

[ M=B=1=S5 e .
Khi v6i T la diém théa man ti giac ABST

{M =A=1=T

1 hinh binh hanh.
Vay quy tich can tim 13 doan thing song song véi AB.
Chon dap én@ O
DAP AN
1. C ][22 DJ[3. A4 B]l5. B]ll6. DJlz. D|[8. C|l9. D |[10. D |
[11. B J[12. D ][13. A J[14. A |[15. B |[16. C Jl17. ¢ |[18. C |[19. C |[20. C |
[21. A |[22. A ][23. D |[24. D |[25. B |[26. C ][27. C |[28. B |[29. B |[30. B |
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sil4. HAI MAT PHANG SONG SONG

@ T1OM TAT Li THUYET

€) DINHNGHIA

Dinh nghia 1. Hai mit phing (a) va (3) goi la song song v6i nhau néu chiing khong c6 diém chung,
ki higu (0) | (8).

Hé qua 1.

Cho hai mat phéng song song (o) va (8). Néu duong thing d

nim trong (a) thi d || (8). *

(e}

o
& J
€> TiNH CHAT
4 N

Dinh If 1.
Néu mat phdang (o) chita hai duong thang cit nhau a va b cung

f b
song song vdi mt phing (8) thi (a) || (8)- )f‘%
a

Q

Dinh 11 2.

Qua mot diém ndm ngodi mot mat phdang cho trude, cé mot va
chi mot mat phdng song song vdi mdt phdang da cho. / . y

Hé qua 2. Néu duong thing d song song v6i mit phang () thi qua d c6 duy nhit mot mit phang
song song voi ().

Hé qua 3. Hai mit phing phan biét ciing song véi mat phéng thit ba thi song song véi nhau.

Hé qua 4. Cho diém A khong nam trén mit phing (o). Moi dudng thing di qua A va song song véi
() déu nim trong mit phing qua A va song song vdi ().

Dinh li 3.
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Cho hai mat phang song song. Néu mot mdt phdang cat mat phang nay th
cling cdt mat phing kia va hai giao tuyén song song vdi nhau.

Hé qua 5.
Hai mat phing song song chin trén hai cat tuyén song song nhitng doan
théng bang nhau.

4
£

S

€)  DINH LY TA-LET (THALES)

Dinh 1i 4.
Ba mdt phdng doi mot song song chdn trén hai cdt tuyén bat ki d
nhing doan thdng tuong ing ti lé. / \

/\ Néu hai cit tuyén d va d' cdt 3 mat phang song song (P) || (Q) || (R) lan higt tai cic giao diém
. . AB BC CA
A,B,C va A", B',C" thh VB B - OA

€) HINH LANG TRY VA HINH HOP

{ Dinh nghia 2. W
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Cho hai mat phing (o) || (o). Trong (a) cho da gidc
16i A1As5 ... A,. Qua cac diem Ay, Ao, ..., A, ta dung cac
duong song song véi nhau va cat (o) tai A}, A,, ..., Al.

Hinh tao thanh bdi hai da gide A1A4s... Ay, AJAL .. A
cung v6i cac hinh binh hanh A; Ay AL A}, Ay Az AS AL,

A A1 AL AL duge goi 1a hinh lang tru va duge ky higu béi
AiAy. A ALAL AL

— Hai da gidc A14s... A, AJAL ... Al dugce goi la hai
mat ddy (bang nhau) ctia hinh lang truy.

— Céac doan thang Ay A}, Ag4L,..., A, Al goi la céc
canh bén ctia hinh ling tru.
— Cac hinh binh hanh A1A2A/2A/1, A2A3A5Aé,

A, A1 AL AL goi 1a cac mat bén clia hinh lang tru.

— Caéc dinh ctia hai da gidc day goi la cac dinh ctia hinh
lang tru.

Tinh chat 1.

— Cac canh bén ctia hinh lang tru thi song song va bang nhau
— Cac mit bén ctia hinh lang tru déu la hinh binh hanh.
— Hai day cfia hinh lang tru 13 hai da giac bang nhau.

— Nguoi ta goi tén hinh liang tru theo day ctia né nhu sau:

Lang tru tam gidc

Lang tru t@ gidc '

Hinh hop Lang tru ngu gidc

— Hinh lang tru c6 day la tam gidc goi la hinh ldng tru tam gidc.

— Hinh lang tryu c6 day la hinh binh hanh goi 1a hinh hop.
-

€ HINH CHOP cyt

Ve

N
Dinh nghia 3. Cho hinh chép S.A;1 45 ... A,. Mot mat phang (P) song song véi mat day ctia hinh
chép va khong di qua dinh lan lugt cat cac canh SA;, SA,,

ooy SA, tai A AL ... Al Hinh tao
thanh béi hai da giac AJA5... A, A1 Ay ... A, va céc tid gidc Aj Ay AL AL, AgAsALAL,. .. A, A1 AV A
goi 1a hinh chop cut.

— Dbay A1 A, ... A, clia hinh chép goi la déy 16n ctia hinh chép cut.

— Thiét dien A} A} ... A/, clia hinh chép va (P) goi 1a ddy nho clia hinh chép cut.

— Ta goi tén hinh chép cut theo da giac day ctia né (chop cut tam giac, tit giac,. . . ).
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Tinh chat 2.

canh tuong tiing bang nhau.

— Céac mit bén 1a hinh thang.

&

— Hai day ctia hinh chép cut 1a hai da giac c¢6 cac canh tuong ting song song va ti 1é gitta cac cap

— Cac duong thang chita cic canh bén dong quy tai 1 diém.

(® CACDANG TOAN

Dang 1. Ching minh hai mit phing song song

Phuong phap giai:
DE chitng minh hai mat phdng song song, ta ching minh:
— Phuong phap 1.

Trén mat phdng nay c¢é hai duong thang cdt nhaw cing
song song vdi mat phdng con lai.

aC (a),bC (a)
anb=M = (&) [| (B)-
al (B), bl (8)

— Phuong phap 2.
Hai mdt phing cung song song vdi mdt phdang thi

3.
{(a) # (B)

@lIm@Im @

b
a
o
B

A=
A
Pt
A

B

AS

€) CAC ViDy MINH HOA

trung diém ctia SA, SD. Ching minh (OMN) || (SBC).

Vi du 1. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O, goi M, N lan lugt la

&L giai.
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Ta c6 M, O lan lugt 1 trung diém ctia SA, AC nén OM
la dudng trung binh ctia tam giac SAC tng v6i canh SC,
do d6 OM || SC.
OM || SC
Vay ~ OM | (SBC) 1)
SC C (SBC)
Tuong tu, ta c6 N, O lan lugt 1a trung diém ctia SD, BD
nén NO la duong trung binh cta tam gidc SBD tng véi
canh SB do d6 ON || SB.
ON || SB
Vay ~ ON | (SBC) 2)
SB C (SBC
T (1) va (2) ta co
OM || (SBC)
ON || (SBC) = (OMN) | (SBC).

OMNON =0

O

Vi du 2. Cho hinh chép S.ABCD c6 day 1a mot hinh binh hanh. Goi A’, B’, C’, D' 1an lugt 1a trung
diém ctia cac canh SA, SB, SC, SD. Chiing minh ring (4'C'D’) || (ABCD).

4o giai.

Dé chitng minh hai miat phing song song, ta sé tim trén mit phing nay 2
dudng thing cit nhau va cting song song v6i mit phing con lai.

Dé thay

= (A'C'D') || (ABCD).

AC' | AC (AC'| (ABCD)
=
A'D' | AD ~ \A'D' || (ABCD)

Vi du 3. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N lan lugt 1
trung diém ctia SA va CD.
Chting minh hai mit phing (M NO) va (SBC) song song.

“LoT gidd.

Ta c6 M la trung diém SA, O la trung diém AC
= MO la dudng trung binh ASAC

= MO || SC.

Tuong tu ON || BC.

Do d6 (OMN) || (SBC).

Dang 2. Tim giao tuyén ctia mit phang (o) véi miat phang (3) biét (o) qua diém A; song
song v6i mit phang (7)

Phuong phap giai: ’
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St dung tinh chat { (y)N(a)=a =alb

€) CAC ViDy MINH HOA

Vi du 1. Cho hinh chép S.ABCD day ABCD la hinh binh hanh tam H. M3t phing (P) di qua H
va song song véi (SAB). Tim giao tuyén cla

(D Mat phang (P) vh mit phang (ABCD).

(2) Mt phang (P) va mit phing (SBC).

“L3i giai.

(@ Giao tuyén ctia mat phang (P) va mit phing (ABCD).

(P) || (SAB) EF qua H
(ABCD) N (SAB) = AB < (P)N (ABCD) = EF v6i { EF || AB
(P)N(ABCD) = H E € BC,F € AD

(2) Giao tuyén ctia mat phang (P) vh mit phang (SBC).
(P) I (SAB)

(SBC) N (SAB) = SB < (P) N (ABCD) = EK véi

{EK NSC =K
(P)N(SBC) = E

EK || SB

Vi du 2. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi M la diém bat ky trén AB.
Goi () 1a mat phang qua M va song song v6i (SBC). Tim giao tuyén clia () véi cat mit clia hinh
chép.

&L giai.
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Ta co:
(a) || (SBC) MNNCD=N
— {(SBC)N(ABCD) = BC < (a) N (ABCD) = MN véi {MN BC B
() N (ABCD) = M |
(a) || (S5C) NPNSD=P
— {(SBC)N(SCD) = SC < ()N (SCD) = NP véi { B
NP | SC
()N (SCD) =N
(a) || (SBC) MQNSA=0Q
— (SBC)N(SAB) =SB < ()N (SAB) = MQ véi {M BC’_ .
() N (SAB) =M Ql
Suy ra, (P)N (SAD) = PQ. O

Vi du 3. Cho hinh hop chit nhat ABCD.A’B'C'D’. Goi M, N, P lan lugt la trung diém céc canh
AB, AD, A'D’. Xac dinh giao tuyén ctia (M N P) va cac mat (A'B'C'D’), (AA'B’'B).

LS gia.

S
=
>

S

/
/
/
/
/

D i R
/

D/

N
N
\
\
\
\
\
\
e

N

VN
\

\

\

L AR
=

»

Cl
Ta co6:
M, N, P lan luct 1a trung diém cac canh AB, AD, A'D’.

MN | BD | B'D'
Suy ra , , = (MNP)| (BDD'B').
NP || AA" | DD
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(MNP) | (BDD'B')
(BDD'B')n (A'B'C'D') =
(MNP)N (A'B'C'D) = P

Khi do

PQNA'B =Q

B'D' & (MNP)N (A'B'C'D'") = PQ véi
( ) ( ) Q Vol PQ H B/D/

{

Suy ra (MNP)N(ABB'A") = MQ. O
Vi du 4. Cho hinh lang try tam giac ABC.A'B'C’. Xac dinh giao tuyén ctia mit phang (H,d) va
mat phang (ABC) trong d6 H la trung diém A’B’, d 1a giao tuyén ctia hai mit phang (AB'C’) va
mit phiang (A'BC).

LS gidi.

A F C
ol
A T _:_/_/ Rl !
H
B/

Ta c6 AB'NA'B = M, AC' N A'C = N. Khi d6 (AB'C") N (A'BC) = MN = d.

Vay (H,d) = (HMN).

Ta c6

HM || BB -
, .= (HNM) | (BB'C'C).
MN | B'C
Ké HM cat AB tai E. Khi doé:
(HMN) || (BB'C'C)
L [EFNAC=F
(BB'C'C) N (ABC) = BC & (HMN) N (ABC) = EF véi o . 0
EF | B'C"| BC

(HMN)N (ABC) = E

Dang 3. Xac dinh thiét dién cit bdi mat phang song song véi mot mat phang cho trude

Phuong phap giai:

Trong khong gian cho hinh chép hodc lang tru S. Xdc dinh thiét dién ciia chép cdt bdi mat phang (o)
di qua diém I cho trudc va song song vdi mot mdat phdang (3) cho trude.

Ta di wdc dinh duong thing d C (B).

Vi (a) || (B) nén (a) || d. Do dé (a) giao vdi mdt phdng chita d theo giao tuyén a || d.

Suy ra (o) = (I,a)

Ta tim cac doan giao tuyén ciia mat phing (I,a) vdi cic mat ciia chép hodc ling tru S.

€) CAC ViDy MINH HOA

Vidu 1. Cho hinh chép S.ABCD day la hinh binh hanh tam O ¢6 AC = a, BD = b. Tam giac
SBD la tam giac déu. Mot mat phang () di dong song song v6i mit phang (SBD) va di qua diém
I trén doan AC.

(1) Xac dinh thiét dién ctia hinh chép véi mit phing (a).

(2) Tinh dién tich thiét dién theo a,b va x = Al.

&L giai.
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(1) Xac dinh thiét dién ctia hinh chép véi mit phing (a).
TH1: I € OA. Ta c¢6

(a) || (SBD)
(ABD)N (SBD) = BD = (a)N (ABD) = MN .
I € (a) N (ABD)

v6i MN qua I va MN || BD.

Tuong tu (a) cit (SAB) theo doan giao tuyén M P song song véi SB, cit (SAD) theo doan giao
tuyén NP || SD.

Thiét dien 1a tam giac déu MNP (vi dong dang vé6i tam gidc déu SBD)

TH2: I € OC. Ta c6 thiét dieén 1a tam giac déu HKL c6 cac canh tuong ting song song véi canh tam
giac SBD.

TH3: I = O, thiét dién 14 tam giac SBD

(2) Tinh dién tich thiét dien theo a,b va x = Al
b’V/3
Ta c6 SABCD == [

THl:IeOA<:>0<x<g

SAMNP _ ( MN
SABCD BD

2
MN Al 2
) . Do MN || BD, ta ¢6 i

BD A0 a’
b222\/3
Suy ra SAMNP: CL2

TH2:I€OC<:>%<a:<a

SAHKL (HL>2 HL CI 2(a—x)
- .Do HL | BD, ta ¢6 = = - = =/,
Srscp  \BD o HL|[ BD, tacs i = 75 a
b2(a — 2)%V/3
Suy ra Samnp = (QQ)
) v’/3
TH3: I = O, thiet dién 1a tam giac SBD c6 S = ;[

Vi du 2. Cho hinh hop ABCD.A’B'C'D’. Hai diém M, N lan lugt ndm trén hai canh AD, CC’ sao
AM CN

NC

cho
(ACB')

Xéc dinh thiét dién ctia hinh hop cit bdéi mit phing qua MN va song song véi

#LE1 giai.
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Goi I 1a diém trén AA’ sao cho ﬂ = AM

suy ra IM || A’D suy ra

1A MD
IM || CB
Al CN
Ta lai c6 — = g SW ra IN || AC suy ra (MNI) || (ACB'), do d6
MN || (ACB')

Qua M ké ME || AC; qua N ké NF || B'C’, qua F ké FK || A'C’. Da
gidc MENFKT la thiét dién can tim.

(® BAITAPREN LUYEN

Bai 1. Cho hinh chép S.ABCD c6 day ABC D 1a hinh binh hanh. Goi G, G2, G3 lan lugt 1a trong tam céc
tam giac SAB, ABC, SBD. Goi M 1a mot diém thuoc dudng thing GoGs. Chitng minh G1 M || (SBC).
Lol giai.

Goi O la tam hinh binh hanh ABCD va N la trung diém AB, suy ra G1 € SN, Gy € CM, G5 € SO.
Do Gy, G2 lan lugt 1a trong tam tam gidc SAB, ABC nén ta co:

NG, 1
MS 3
NGy 1
MC 3

= G1Go || SC (Dinh ly Ta-lét trong ANSC)
Do G, G3 lan lugt 1a trong tam tam giac ABC, SBD nén ta c6:

0Gy 1
OB 3
OGz 1
oS 3

= GG3 || SB (Dinh ly Ta-1ét trong ASOB).

G1G SBC
Ta da co: { 1G2 [ (SBC) (G1G2Gs) || (SBO)
G2G3 || (SBO)
Ma GlM C (G1G2G3) = GlM ” (SBC) O
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Bai 2. Cho hinh chép S.ABCD c6 day la hinh binh hanh tam O. Goi M, N lan lugt la trung diém ciia SA
va CD.

(1) Chitng minh hai mat phang (OMN) va (SBC) song song v6i nhau.

(2 Goi I 1a trung diém ctia SD, J 1a mot diém trén (ABCD) va cach déu AB, CD. Chitng minh I.J song
song véi (SAB).

(3) Gia st hai tam giac SAD, ABC can tai A. Goi AE va AF lan lugt 1a cdc dudng phan giac trong clia
tam giac ACD va SAB. Chiing minh E'F song song véi (SAD).

LS gia.

(@ Chitng minh (OMN) || (SBC).
Do ON, OM theo thit tu 14 dudng trung binh ctia cac
tam giac BC'D va SAC nén OM || BC, ON | SC.
Hon ntta, ON, OM khong chita trong (SBC). Do d6
ON || (SBC), OM || (SBC).
Mit khac, OM NON = O nén (OMN) || (SBC).

(2) Chiing minh I.J || (SAB).
Trong mat phing (ABCD), O va J cach déu hai duong
théng song song AB vi CD nén OJ || AB || CD.
Hon nita, OJ khong chia trong (SAB). Do do6, OJ ||
(SAB).

Mt khac, OI 1a duong trung binh trong tam gidc SBD nén OI || SB. Do d6, OJ || (SAB).

Mit phang (OIJ) chita hai duong thang cat nhau va cling song song véi (SAB) nén (OIJ) || (SAB).
Hon nita, IJ C (O1J). Vivay, I1.J || (SAB).

(3 Chitng minh EF || (SAD). Theo tinh chit duong phan gidc ta
co

ES __AS FD _ AD %)
EB  AB Y TFC  AC

Mait khéc, cac tam giac SAD va ABC can tai A nén

AS = AD va AB = AC. (%x)
T (%) v (%) suy ra
55 _7D
EB FC

Suy ra EF, SD, BC ciing song song v6i mot mat phing.
Do SD C (SAD), BC || AD nén BC || (SAD).
Vay EF || (SAD).

O

Bai 3. Cho hinh chép S.ABCD, day ABCD la hinh thang c6 AB || CD va AB = 2CD, I la giao diém
ciia AC va BD. Goi M la trung diém ctia SD, E 1a trung diém doan CM va G la diém déi xing ciia E qua
M, SE cat CD tai K. Ching minh (IKE) || (ADG).

L1 giai.
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DO CE - ME — MG nen
3 '

Mit khéc -
BAI = DCI, (so le trong),
AIB = CID, (déi dinh).

Do d6 AABI «~ ACDI, (g-g). Khi dé

cr_cp 1, or 1
TA- 4B 2 WA~ 3
T (1) va (2) suy ra
EI || GA.

O

Hon nta, tit gidc SGDE ¢6 SM = MD va EM = MG, nén ti¢ gidc SGDE 1a hinh binh hanh. Do d6
SE || GD hay EK || GD. (%x)

T (x) va (%) suy ra (IEK) || (ADG).

Bai 4. Cho hinh chép S.ABCD cé déy 1 hinh binh hanh tam O. Goi M, N, P lan luct 1 trung diém ciia

SA, SD va SB.
(D Chiing minh ring (M NP) || (ABCD).
(2) Chitng minh ring (OMN) || (SBO).

“L3i giai.

(D Chitng minh (MNP) || (ABCD).
Ta c6

{MN | AD, (do MN la dudng trung binh ciia ASAD)

AD c (ABCD).

Suy ra MN || (ABCD).
Ta lai co

{NP | AB, (do NP la duong trung binh cia ASAB)

AB C (ABCD).
Suy ra NP || (ABCD).
Mit khéc, MN, NP C (ABCD).
Vay (MNP) || (ABCD).
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(2) Chitng minh (OMN) || (SBC).

Taco MN || AD, (M N la dudng trung binh ctia ASAD) va AD || BC, (do ABCD la hinh binh hanh)
nén MN || BC.

Ma BC C (SBC) nén MN || (SBC).

Ta lai c6 OM || SC, (do OM la dusng trung binh ctia ASAC).
Ma SC c (SBC) nén OM || (SBC).

Mit khac (MN,OM C (OMN).

Vay (OMN) || (SBC).

([l
Bai 5. Cho ti dien ABCD goi M, N lan lugt la trung diém canh AB va CD, E la diém chia BC theo ti
. BE 2 . . . . .
sO BT Trén doan thang AM lay diem H. Tim giao tuyén ctia mit phang (P) di qua H va song song
v6i mat phang (M NE). Tim giao tuyén ciia
(O Mit phang (P) va mit phang (BCD).
(2) Mat phéng (P) va mit phing (ABD).

Lo giai.

(D Giao tuyén ctia mat phiang (P) va mat phing (BCD).

Ta co:
(P) | (MNE)

(MNE)N (ABC) = ME < (P)n (ABC) = HK véi

{HKHBC:K
(P)N(ABC) = H

HK | ME

(P) | (MNE) B
. [KLNCD =1L
Khi do: ¢ (MNE)N(BOD) = BN ¢ (P)0(BCD) = KL 6§/
(P)N (BCD) = K
(2) Giao tuyén ctia mat phing (P) va mit phing (ABD).
Ta c6 :
EN || BD (MFANAD=F
— (MNE)N (SBD) = MF véi
M e (MNE) N (SBD) MF || BD
Khi do:
(P) | (MNE) B
C[HGNAD =G
(MNE)N (ABD) = MF & (P)N (ABD) = HG véi
HG || MF

(P)N (ABD) = H

O

Bai 6. Cho hinh chép S.ABC, lay diém O thuoc mién trong tam giac ABC, diém I thuoc doan SO. Goi
(o) 1a mat phang qua I vi song song v6i (SBC). Tim giao tuyén clia
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(1) Mit phéng («) vA mat phang (ABC).

(2) Mat phing () va mat phang (SAC).

LS gia.

(@ Tim giao tuyén ctia mit phang (IEF) va mat phang (ABC).
Goi MF = AOnN BC.

Ta c6:
SBC
(@) || (55C) [(IzNSA=G
(SAM)N (SBC) = SM < (a) N (SAM) = Iz véi :
IsNAM =J Ix| SM
()N (SAM) =1
Do doé,
(o) || (SBC) EF qua J
(ABC)N(SBC)=SM < (a)N(ABC)=FEF v6i{ E € AB,F € AC'.
()N (ABC) =J EF || SM

(2) Tim giao tuyén ctia mat phang (IEF) va mat phang (SAC).

Ta co:
(a) I (SBO) o
(SAB)N (SBC) =SB < (o) N (SAB) = EG véi { .
EG | SB

() N (SAB) =E

O

Bai 7. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh ABCD. Goi M, N, E lan lugt 1a trung diém ciia
cac canh AB, AD, SC. Trén doan AM lay diém K. Mit phang qua K song song v6i MNE cit SB, AD
lan lugt tai P, Q. Tim giao tuyén clia mit phang (K PQ) v mit phang (SAD).

L1 giai.
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Goi O la tam hinh binh hanh ABCD.

Suy ra (SBD) N (SAC) = SO.

GoiI=MNNAC; J=AINSO.
(MNE)N (SBD) = I

MN || BD (MNE)N (SBD) = Jz
MN C (MNE) Jz || BD '
BD c (SBD)

Goi F = JxN SB, (a) 1a mat phang qua K va song song véi (MNE).

(o) N (SAB) = K

(o) || (MNE) = (a)N(SAB)=KP || MF v6i P € SB.

(MNE) N (SAB) = MF
Tuong tu ta c¢6 (o) N (ABCD) = KQ || MN vé6i Q € AD.
Ta c6: KQNSA=R= (KPQ)N(SAD) = QR. O
Bai 8. Cho hinh chép S.ABCD day 1a hinh binh hanh tam O ¢6 AC = a, BD = b. Tam gidc SBD la tam
giac déu. Mot mat phéng («) song song v6i mit phiang (SBD) va qua diém I trén doan AO.

(D Tim giao tuyén ctia mit phang (a) véi cAc mat phang (SAB), (SAD), (ABCD).

(2) Tinh dien tich hinh phing dugc tao béi cac giao tuyén doé.

“L3i giai.

(@ Tim giao tuyén ctia mit phing («) véi cac mat phing (SAB), (SAD), (ABCD).
Ta c6 I € OA thi:
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(a) || (SBD)
(ABCD) N (SBD) = BD < (a) N (ABCD) = MN véi
I € (a)n (ABCD)

Tuong tu « cit SAB theo giao tuyén M P || SB va cat (SAD) theo giao tuyén NP | SD vé6i P € SA.

v6i M € AB, N € AD.

MN qua I
MN || BD

(2) Tinh dién tich hinh phang dugc tao bdi cac giao tuyén do.
Ta c6 tam gidc MNP 1a tam giac déu vi dong dang véi tam giac déu SBD.

BD?\/3  b*V3

Ta c6 Sspp = 4\[: ;[IGOA@0<95<;.
. .. Sunp <MN)2
Khi d = .

' OSBCD BD
Do MN || BD, ta c6:

MN _ AL _ 2z _b2\/§<2x>2_b2x2\/§
BD A0 a MNP="4"\"a) — &

0

Bai 9. Cho hinh chép S.ABCD c6 day la hinh thang ABCD c6 AD || BC,AD = 2BC. Goi F la trung
diéem AD va O giao diém ctia AC va BE; I 1a mot diém di dong trén canh AC khac A ca C. Qua I vé mat
phéng (a) song song véi (SBE). Tim thiét dién tao bdi () va hinh chép S.ABCD.

oL giai.

HD: THI1: I € OA, (a) || (SBE) nén (a) || BE va (a) || SO, suy ra («) cit (ABE) theo giao tuyén
MN || BE, MN qua I, va (a) cat (SAC) theo giao tuyén EI || SO, ET qua I. Thiét dien la tam giac
EMN.

TH2: T € OC, thiét dien 1 hinh thang HKLP(HK | LP || BE || CD)
TH3: I = O thiét dién 13 tam gidac SBE. O

Bai 10. Cho hinh hop ABCD.A'B'C'D’. Goi O la tam hinh binh hanh ABCD; K la trung diém C'D’; E
la trung diém ctia B’O. Xac dinh thiét dién ctia hinh hop khi cit bdi mat phing (P) qua diém K va song
song mit phang (EA'C’).

LS giai,

HD: Ta ¢6 BOO'B’ 1a hinh binh hanh, do d6 E = BO' N B'O, suy ra (EA'C’) = (BA'C’). Mt phang (P)
qua K song song véi BA'C’. Tit K ké duong thing song song véi A'C’ cit A'D' C'B’, A’B’ lan lugt tai
M,N,P. Tit P ké dudong thing song song A'B cit AA’, AB, BB’ lan lugt tai I, J,Q. N&i Q va N cit BC
tai S, cat CC’ tai R. Thiét dien 13 luc gidc KMIJSR c6 cac canh dbi song song véi nhau. O

Bai 11. Cho hinh chép S.ABCD c6 day la hinh thang, day 16n AB = 3a, AD = CD = a. Mat bén (SAB)
la tam gidc can dinh S v6i SA = 2a, goi M 1a diém thudc canh AD. Mat phéng () di qua M va song song
v6i (SAB). Xac dinh thiét dién ctia chop v6i mit phang (o). Thiét dien 1a hinh gi?

HLS giad.

HD: Qua M ké MN || AB, tu N ké NP || SB, tt M ké MQ || SA. Thiét dién la hinh thang can M N PQ.
O

Bai 12. Cho ttt dien ABCD c¢6 G la trong tam ctia tam giac BCD. Goi O la trung diém ciia doan thing
AG. Thiét dien clia ti¢ dién cit bdi mit phang di qua O va song song véi mit phang (ABC) la tam giac

. . S
MNP. Goi St, So lan lugt 1a dién tich ctia hai tam giac MNP va ABC. Tinh ti s0 S—l
2

L1 giai.
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) St 25
HD: Ta ¢c6 MN = —-BC nén — = —.
a Co 6 nen SQ 36

O

. SM
Bai 13. Cho hinh chép S.ABC ¢6 M la diém di dong trén canh SA sao cho i k,vi0 <k <1,k eR.

Goi (a) 1a mat phing di qua M va song song v6i mat phang (ABC). Tim k dé mit phang (a) cit cat hinh
ch6p theo mot thiét dién c6 dién tich bing nita dién tich ctia tam giac ABC.
£ giai.

Thiét dien 1& tam giac M NP. g
Ta o6 SMNP MN MP o2 1
a CoO: = = = —.
SaBc AB AC 2
2
Vay k= \2[ M P
C
A
B
O

(® CAUHOITRAC NGHIEM
Cau 1. Trong cac ménh dé sau, ménh dé ndo ding?
A. Hai mat phing khong cit nhau thi song song.
B. Hai mit phing cling song song véi mot duong théng thi cit nhau.
C. Qua mot diém ndm ngoai mot miit phang cho trude c¢6 duy nhat mot mit phang song song véi mat
phéng do.
D. Qua mot diém nim ngoai mot mat phéng cho trude cé vo sé6 mat phing song song véi miit phang doé.
“Loi giai.
Trong khong gian, hai mit phing c6 3 vi tri tuong déi: triing nhau, cit nhau, a
song song véi nhau. Vi vay, 2 mit phang khong cit nhau thi c6 thé song song
hodc tring nhau = A 13 ménh dé sai.
Hai mat phéng cling song song v6i mot dudng thing thi ching cé thé song
song vdi nhau (hinh vé) = B la ménh dé sai.

A
Ta co: a || (P),a || (Q) nhung (P) va (Q) van c6 thé song song v6i nhau.
A

Meénh dé C la tinh chat nen C dung.

Chon dép 4n (C) O

Cau 2. Trong céc diéu kién sau, diéu kien nao két luan mp («) || mp (8)?
A. (a) [l (v) va (8) || (v) ((v) la mat phang nao do).
B. () || a va («) || b v6i a,b 1 hai duong thing phan bigt thuoc (B).
C. (a) || a va (a) || b v6i a,b 14 hai dudng thing phan bigt ciing song song véi (3).
D. (o) || a va (a) || b v6i a, b 1 hai duong thdng cit nhau thuoc(f).
#L3H giai.
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S

Hinh 1. Hinh 2.

Trong trudng hop: (a) || (7) va (8) || () ((7) 1a mat phing nao d6) thi (o) va (B) c6 thé trung nhau =
Loai A.
(a) || @ va () || b v6i a, b 1a hai dudng thing phan biét thuoc (8) thi (a) va (8) vAn c6 thé cit nhau (hinh
1) = Loai B.
(a) || @ va (a) || b v6i a,b 1 hai dudng thang phan bigt ciing song song véi (3) thi (o) va (8) vAn c6 thé cit
nhau (hinh 2) = Loai C.
Chon dap an (D) O
Cau 3. Trong cac ménh dé sau, ménh dé ndo ding?
A. Néu hai mit phéng («) va (8) song song v6i nhau thi moi dudng thang nim trong (a) déu song song
véi ().
B. Néu hai mat phang (a) va (3) song song véi nhau thi bat ki dudng thing nio nim trong («) ciing
song song véi bat ki dusng thing nao nim trong (3).
C. Néu hai dudng thing phan biét a va b song song lan lugt nim trong hai mit phéng (a) va (8) phan
biét thi a || (8).
D. Néu dusng thing d song song v6i mp (o) thi né song song v6i moi dusng thing nim trong mp (a).
LLS giad.

A/“ < d
A\ v

Hinh 1. Hinh 2. Hinh 3.

Néu hai mat phing () va (8) song song v6i nhau thi hai duong thing bat ki lan lugt thuoc (a) va (8) co
thé chéo nhau (Hinh 1) = Loai B. Néu hai duong thang phan biét a va b song song lan lugt ndm trong hai
mat phang (a) va (3) phan biét thi hai mit phing («) va (8) c¢6 thé cat nhau (Hinh 2) = Loai C. Néu
dudng thang d song song véi mp (a) thi né c6 thé chéo nhau véi mot duong thing nio dé nim trong («).
(Hinh 3).

Chon dap an @ O
Cau 4. Cho hai mat phéng song song (a) va (), duong thing a || (o). C6 miy vi trf tuong ddi clia a va
(8)?

A 1. B. 2. C. 3. D. 4.

“Loi giai.

Trong khong gian, gitta dudng thing va mat phing c6 3 vi tri tuong déi: dudng thing cit mat phang, dudng
thang song song v6i mit phang, dusng thang ndm trén mit phing. a || (o) ma (a) || (8) = a va (a) khong
thé cit nhau. Vay con 2 vi tri tuong doi.

Chon dap an O

Cau 5. Cho hai mit phiang song song (P) va (Q). Hai diém M, N 1an lugt thay ddi tren (P) va (Q). Goi [
la trung diém ctia M N. Chon khing dinh ding.
A. Tap hgp cac diém I la duong thang song song va cach déu (P) va (Q).
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B. Tap hgp cac diém I 1a mit phing song song va cich déu (P) va (Q).
C. Tap hop cac diém I 14 mot mat phang cat (P).
D. Tap hgp cac diém I 1a mot dudng thang cit (P).
#LS gii.
Ta c6: I 1a trung diém ctia M N = Khoang cach tit I dén (P) bing khoang
cach tit I dén (Q) = Tap hop cac diém I 13 mit phing song song va cach
déu (P) va (Q). '

/C<N/

Chon dap an O

Cau 6. Trong cac diéu kién sau, didu kien nao két luan duong thang a song song véi mat phang (P)?

A. al|bvabcC (P). (P).
C. al (Q) va(Q) ] (P). D.acC (Q)vabc (P).
HLS giai.
Ta c6: a || bvab C (P)suy raa | (P)hoica C (P) = Loai A. a || bvab || (P) suy ra a || (P) hoac
a C (P)= LoaiB. al (Q) va (Q) || (P) suy ra a || (P) hoac a C (P) = Loai C.
Chon dap an @ O

Cau 7. Trong cac ménh dé sau, ménh dé ndo ding?

A. Néu (a) || (B) vaa C (o), bC (B) thia || b.
B. Néu (a) || (8) vaa C (a), b C (8) thi a va b chéo nhau.
C. Néua | bvaac(a), bC (8)thi (a)] (8).
D. Néu ()1 (a) = a, (7)1 (8) = b va (a) || (8) thi a | b
4L giai.
Néu (a) || (8) vaa C (a), b C (B) thi a || b hodic a chéo b = A, B sai. Néua | bva a C (a), b C (8) thi
() || (B) hodc (a) va (B) cat nhau theo giao tuyén song song véi a va b.
Chon dap an @ O

Cau 8. Cho duong thang a C (P) va dudng thang b C (Q). Ménh dé nao sau day ding?

A (P)[(@Q=alb B.a| b= (P) ] (Q)
C.(P)(Q)=al| (Q)vabl| (P). D. a va b chéo nhau.

LLS giad.

V6i dusng thang a C (P) va duong thang b C (Q).

Khi (P) || (@) = a || b hoac a, b chéo nhau = A sai.

Khia || b= (P) | (Q) hoac (P),(Q) cit nhau theo giao tuyén song song véi a va b = B sai.

a va b c6 thé chéo nhau, song song hodc cit nhau = D sai.

Chon dap an @ O

Cau 9. Hai dudng thang a va b nam trong mp (o). Hai dudng thang a’ va b’ ndm trong mp (3) . Ménh dé
nao sau day dang?

A. Néual d vab| b thi ()] (B). B. Néu (a) || (B) thia | o vab| V.
|

C. Néua || bvad || b thi (a) | (B). D. Néuacatbvaal d, b| ¥ thi (a) | (B).
AL giai.

Th.s Nguyén Chin Em 165 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

/ - .
Zea A

Hinh 1. Hinh 2.

Néua || a’ va b | b thi (a) | (8) hodc («) cat (8) (Hinh 1) = A sai. Néu («) || (8) thi a || ¢ hodic a,d’ chéo
nhau (Hinh 2) = B sai.

Néua || bvad || b thi (a) || (8) hodc () c&t CC’. (Hinh 1) = C sai.

Chon dap an @ O

Cau 10. Cho hai mit phang (P) va (Q) cit nhau theo giao tuyén A. Hai dudng thang p va ¢ 1an lugt ndm
trong (P) va (Q). Trong cac meénh dé sau, ménh dé nao ding?
A. p va ¢ cat nhau. B. p va ¢ chéo nhau.
C. p va ¢ song song. D. C& ba ménh dé trén deéu sai.
#L31 giai.
Ta c6 p va ¢ c¢6 thé cit nhau, song song, chéo nhau (hinh vé).

Chon dap an @ O

Cau 11. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N, I theo tha ty la
trung diém ctia SA, SD va AB. Khing dinh nao sau day ding?

A. (NOM) cit (OPM). B. (MON) || (SBC)
C. (PON)N(MNP)=NP. D. (NMP) | (SBD).
“Loi giai.
Ta ¢c6 M N la dudng trung binh cia tam giac SAD suy ra MN || AD S

(1).

Va OP la duong trung binh ctia tam giac BAD suy ra OP || AD (2).
Tit (1), (2) suy ra MN || OP || AD = M, N, O, P dong phéng.

Lai c6 MP || SB,OP || BC suy ra (MNOP) || (SBC) hay (MON) ||
(SBC).

Chon dap an O

Cau 12. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Tam gidc SBD déu. Mot mit
phing (P) song song véi (SBD) va qua diém I thuoc canh AC (khong tring véi A hoac C). Thiét dien ciia
(P) va hinh chép la hinh gi?

A. Hinh hinh hanh. B. Tam giac can. C. Tam giic vuodng. D. Tam giic déu.
#LSi giai.
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Goi MN la doan thing giao tuyén ctia mat phang (P) va miat day
(ABCD). Vi (P) || (SBD),(P)n (ABCD) = MN va (SBD) N
(ABCD) = MN suy ra MN || BD.

Lap luan tuong tuy, ta cé

(P) cat mat (SAD) theo doan giao tuyén NP véi NP || SD.

(P) c&t mat (SAB) theo doan giao tuyén M P véi MP || SB.

Vay tam giac M N P dong dang v6i tam giac SBD nén thiét dién ctia
(P) va hinh chép S.ABCD la tam giac déu M N P.

Chon dap an @ ([

Cau 13. Cho hinh chép S.ABC c6 day la tam giac ABC théa man AB = AC = 4, BAC = 30°. Mait phéng
(P) song song v6i (ABC) cat doan SA tai M sao cho SM = 2M A. Dién tich thiét dién ctia (P) va hinh
ch6ép S.ABC biang bao nhiéu?

1 14 2
- B. . c. 2 D. 1.
9 9 9
#Loi giai.
1 — 1
Ta c6 Saapc = §-AB~AC-sinBAC = 5-4-4-sin300 = 4. Goi g

N, P lan lugt 1a giao diém ctia mit phang (P) va cac canh SB,SC. Vi
SM SN SP 2
P AB én th inh 11 Tal f —— = — = — = —,
(P) |l ( C’?nent eoo dinh li aet,ta/co A B SC 3
Khi d6 (P) cat hinh chép S.ABC theo thiét dién la tam giac M N P dong M N
dang vé6i tam gidc ABC theo ti s6 k =
22 1
> A 6 A C

Vay Samnp = k? - Saapc = <§

wil N

9

Chon dap an @ O

Cau 14. Cho hinh chép S.ABCD c6 day ABCD la hinh thang can v6i canh bén BC = 2, hai day AB =
6,CD = 4. Mat phing (P) song song v6i (ABCD) va cit canh SA tai M sao cho SA = 3SM. Dién tich
thiét dién ctia (P) va hinh chop S.ABCD bang bao nhiéu?

A V3, B 2V3, C. 2. p. V3
9 3 9
£ giai.
D c
C B A I K B

Goi H, K 1an lugt 1a hinh chiéu vuong géc ctia D, C trén AB.

AH =BK;CD=HK
ABCD la hinh thang can = = BK =1.
AH + HK + BK = AB

Tam giac BCK vuong tai K, c6 CK = vBC? — BK?2 = /22 —12 = /3. Suy ra dién tich hinh thang

AB+CD 4
ABCD 1 Sapep = CK - ABTCED g 446 _ o

2 2
Goi N, P,Q lan lugt 13 giao diém ctia P va cac canh SB, SC,SD. Vi (P) || (ABCD) nén theo dinh 1i Talet,
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taCéMN_NP_PQ_QM_l
AB  BC CD AD 3
Khi d6 (P) cat hinh chép theo thiét dien M NPQ c6 dién tich Syynpg = k% - Sapcp = 5?.
Chon dap an @ ([

Cau 15. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh c6 tam O, AB =8, SA = SB = 6.
Goi (P) la mit phang qua O va song song v6i (SAB). Thiét dign ctia (P) va hinh chép S.ABCD c6 dién
tich bang

A. 5V5. B. 6V5. C. 12. D. 13.
LI giai.
Qua O ké duong thiang d song song AB va cit BC, AD lan lugt tai
P,Q. Ké PN song song véi SB(N € SB), ké QM song song véi
SA(M e SA). Khi d6 (MNPQ) || (SAB) = thiét dien cta (P)
va hinh chép S.ABCD la tu giac M N PQ.
Vi P,Q la trung diém ctia BC,AD suy ra N,M lan lugt la
trung diém ctia SC,SD. Do d6 MN la dudng trung binh tam

giécSCD:MN:C—D:A—B:éLVéNP:S—B:3;
SA

2 2 2
QM ==~ =3= NP =QM = MNPQ I hinh thang can.

1
Ha NH, MK vuong géc véi PQ. Tacé PH = KQ = PH = 3 (PQ — MN) =2.
Tam gidc PHN vuong, c6 NH = /5.

PQ+NM
Vay dién tich hinh thang MNPQ 1a Synpg = NH - Q% = 6+/5.

Chon dap an O

Cau 16. Trong cac ménh dé sau, ménh dé nao sai?

A. Hinh lang tru c¢6 cac canh bén song song va bing nhau.

B. Hai mat day ciia hinh lang tru ndm trén hai mat phang song song.

C. Hai day ciia lang tru 1a hai da giac déu.

D. Céac mit bén cta lang tru la cac hinh binh hanh.
“Loi giai.
Xét hinh lang tru c6 day 1a mot da gidc (tam giac, tit giac, ... ), ta thay rang hinh ling tru ludn c6 cac canh
bén song song va bang nhau. Hai mit day clia hinh lang tru nim trén hai mit phing song song. Hai day
ctia lang tru 1a hai da gidc bang nhau (tam giac, t@ giac, ...). Cdc mat bén cta lang tru la cdc hinh binh
hanh vi c6 hai canh 14 hai canh bén ctia hinh lang try, hai canh con lai thudc hai day song song.
Chon dap an @ O

Cau 17. Trong cac ménh déu sau, ménh dé nao sai?
A. Cac canh bén ctia hinh lang tru bang nhau va song song véi nhau.
B. Cac mat bén ctia hinh liang tru 1a cac hinh binh hanh.
C. Céac mit bén ctia hinh ling try 13 cac hinh binh hanh bang nhau.
D. Hai déy ciia hinh lang tru la hai da giac biang nhau.
“Loi giai.
Cac miat bén ctia hinh ling tru 14 cac hinh hinh hanh, ching bang nhau néu hinh lang tru c6 day la tam
giac deu.
Chon dap an @ O
Cau 18. Trong cic ménh déu sau, ménh dé nao dung?
A. Céc canh bén ctia hinh chép cut déi mot song song.
B. Céc canh bén ctia hinh chép cut 1a cac hinh thang.
C. Hai day ctia hinh chép cut 13 hai da giac dong dang.
D. Ca 3 ménh dé tréen déu sai.
“Loi giai.
Xét hinh chop cut c6 day 1a da gidc (tam giac, t giac, ... ) ta thiay rang: Cac canh bén ctia hinh chép cut
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doi mot cat nhau. CAc mat bén ciia hinh chép cut 1a cac hinh thang can. Hai ddy ctia hinh chép cut 1a hai
da giac dong dang.
Chon dap an @ ([

Cau 19. Trong cidc ménh déu sau, ménh dé nao sai?
A. Trong hinh chép cut thi hai day 1& hai da giac c6 cac canh tuong ting song song va cac ti so cac cap
canh tuong ting bang nhau.
B. Cac mit bén ctia hinh chép cut 1a cac hinh thang.
C. Cac mit bén cia hinh chép cut 1a cac hinh thang can.
D. Duong thang chita cic canh bén ciia hinh chép cut dong quy tai mot diém.
“Lai giai.
Véi hinh chép cut, cac mét bén ciia hinh chép cut 1a cac hinh thang.
Chon dap an @ (I

Cau 20. Cho hinh ling tru ABC.A’B'C’. Goi M, N 1an lugt la trung diém ctia BB’ va CC’. Goi A la giao
tuyén ctia hai mit phang (AMN) va (A’B'C’) . Khing dinh nao sau day diung?

A. A AB. B. A | AC. C. A| BC. D. A | AA".
£LoE giai.
MN C (AMN)
Ta ¢6 { B'C' C (AB'C') — A la giao tuyén clia hai mit phéng A o
MN | B'C'

(AMN) va (A’B'C") sé song song v6i M N va B'C’. Suy ra A || BC.

Chon dap an @ O

Cau 21. Cho hinh lang truy ABC.A’B'C’. Goi H la trung diém ctia A’B’. Dudng thing B’C song song véi
mit phing nao sau day?

A. (AHC"). B. (AA'H). C. (HAB). D. (HA'O).
HLSH giai.
Goi M la trung diém clia AB suy ra MB' || AH
= MB'|| (AHC"). (1)
Vi M H la dudng trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va bang BB’ nén M H song song va bang C'C’
— MHC'C I hinh hinh hanh = MC | HC' = MC || (AHC'). (2)
Tu (1) va (2), suy ra (B'MC) || (AHC") = B'C || (AHC").

Chon dap an @ O

Cau 22. Cho hinh lang try ABC.A'B'C’. Goi H la trung diém ctia A’B’. Mt phing (AHC') song song
v6i dudng thing nao sau day?

A. CB. B. BB C. BC. D. BA'.
#LSi giai.

Th.s Nguyén Chin Em 169 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

Goi M la trung diém ctia AB suy ra MB' || AH = MB' || (AHC').
)

Vi M H la duong trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va bang BB’ nén M H song song va bang CC’

— MHC'C 1a hinh hinh hanh = MC || HC! = MC || (AHC"). (2)
Tu (1) va (2), suy ra (B'MC) || (AHC') = B'C || (AHC").

Chon dap an @ O
Cau 23. Cho hinh ling tru ABC.A;B;C;. Trong cac khang dinh sau, khéng dinh nao sai?

A. (ABC) || (A1 B1Ch). B. AA,; || (BCCY).

C. AB H (AlBlCl). D. AAlBlB 14 hinh chw Ilhat.

#L3H gidi.
Vi mit bén AA; BB 13 hinh binh hanh, con né 1a hinh chit nhat néu ABC.A;B1C; 14 hinh lang tru ding.
Chon dap an @ ([l
Cau 24. Cho hinh hop ABCD.A'B'C’'D’. Khang dinh nao duéi day la sai?

A. ABCD la hinh binh hanh.

B. Cac duong thang A'C, AC’, DB', D' B dong quy.

C. (ADD'A)) || (BCC'B').

D. AD'CB la hinh chit nhat.
LLGH gii.
Dita vao hinh vé va tinh chat cia hinh hop chit nhat, ta thay
rang:

— Hinh hop ¢6 day ABCD 1a hinh binh hanh.

— Cac duong thang A’C, AC’, DB’, D'B cat nhau tai tam
cua AA'C'C,BDD'B’.

— Hai mat ben (ADD'A’), (BCC'B’) dbi dién va song song
v6i nhau.

— AD' va CB 1 hai dudng thang chéo nhau suy ra AD'CB
khong phai 1a hinh chit nhat.
Chon dap an @ O

Cau 25. Cho hinh hop ABCD.A'B'C'D’ ¢6 cac canh bén AA’, BB',CC’, DD'. Khang dinh nao dudi day
sai?
A. (AAB'B) || (DD'C'C). B. (BA'D') || (ADC").
C. A’B'CD la hinh binh hanh. D. BB'D’'D la mot tit giac.
#L3H gidi.
Dira vao hinh vé dudi va tinh chat ctia hinh hop, ta thay rang:

— Hai mit ben (AA’B'B) va (DD'C'C)) ddi dien, song song
v6i nhau.

A

— Hinh hop ¢6 hai day (ABCD),(A’B'C'D’) 1a hinh binh
hanh = A'B’ = CD va A’'B’ || CD suy ra A’B'CD la
hinh hinh hanh.

— BD || B'D’ suy ra B,B’, D', D dong phing = BB'D'D
la t& giac.

— Mat phang (BA'D’) chita duong thang CD’ ma CD’ cit
C'D suy ra (BA'D') khong song song v6i mat phang
(ADC").
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Chon dap an 0

Cau 26. Néu thiét dién ctia mot ling tru tam gidc va mot mat phing 1d mot da gidc thi da gidc dé co
nhiéu nhat méy canh?

A. 3 canh. B. 4 canh. C. 5 canh. D. 6 canh.
4 Loi giad.
Da giac thiét dién ctia mot lang tru tam giac vA mot miit phing cé nhiéu nhat 5 canh véi cac canh thudc
cac mat cia hinh lang tru tam giac.

Chon dap an @ ([
Cau 27. Néu thiét dien ctia mot hinh hop va mot mat phang 1a mot da giac thi da gidc d6 c6 nhiéu nhét
may canh?

A. 4 canh. B. 5 canh. C. 6 canh. D. 7 canh.

£LSH gidi.

Vi hinh hop la hinh lang tru c6 day la tit gidc va c6 6 mit nén thiét dién cia hinh hop va mat phéng bat
ki 1a mot da gidc c6 nhiéu nhat 6 canh.

Chon dép 4n (C) O

Cau 28. Cho hinh hop ABCD.A'B'C'D’. Goi I 1a trung diém ctia AB. Mt phang (IB’D’) cat hinh hop
theo thiét dién 1a hinh gi?

A. Tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh ch@ nhat.
#Loi giai.
B'D' c (IB'D')
Ta c6 { BD C (ABCD) — Giao tuyén ctia (IB'D’) v6i (ABCD)

B'D"|| BD
la dudng thing d di qua I va song song véi BD. Trong mit phing
(ABCD), goi M =dNAD — IM || BD | B'D’. Khi d6 thiét dien
1a ti giac IM B'D’ va tit giac nay la hinh thang.

Chon dap an O

Cau 29. Cho hinh hop ABCD.A'B'C'D’. Goi () 1a mat phing di qua mot canh clia hinh hop va cit hinh
hop theo thiét dien 1d mot t& giac 7. Khing dinh nao sau day ding?

A. T 1a hinh ch nhat. B. T 1a hinh binh hanh.
C. T 1a hinh thoi. D. T la hinh vuong.
“Loi giai.
Gia st mat phang () di qua canh AB vi cit hinh hop theo ti B C

giac T. Goi d la duong thang giao tuyén ciia (o) vd mit phing
(A’B'C'D’). Ta ching minh dugec AB || d suy ra ti gidc T' 1a mot
hinh binh hanh.

Chon dap an O
a S - iz I 20 A4 1 iz ~ _\/\,ABI
Cau 30. Cho hinh chép cut tam gidc ABC.A'B'C’ ¢6 2 day 1a 2 tam gidc vudng tai A va A’ va co 5 = 3
. S .
Khi d6 ti so dién tich DAABC bang
. Saarpcr )
A - B. -. C. 2 D. 4
2 4

L1 giad.
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Hinh chép cut ABC.A’B'C’ c¢6 hai mit day la hai miit phing song song A C
X S
nén tam gidgc ABC dong dang tam gidgc A’B'C’ suy ra —=25C — V
SAA/BIC/

1
5 AB-ACAp A 1

E.A/B/.A/C/

2

T ABAC T 4

Chon dap an (I

Cau 31. Khing dinh nao sau day ding?
A. Hinh lang tru ding c6 ddy 1a mot da giac déu 1a hinh lang tru déu.
B. Hinh lang tru ding 13 hinh lang tru déu.
C. Hinh lang tru c6 day 1a mot da gidc déu 1a hinh lang tru déu.
D. Hinh lang tru ti gidc déu 1a hinh 1ap phuong.
£L5E giai.
Hinh lang tru ding c6 day 1a mot da gidc déu 1a hinh lang tru deéu.
Chon dap an @ O

Cau 32. Xét cac ménh dé sau

1) Hinh hop 13 mot hinh lang try;
2) Hinh lap phuong la hinh hop ding cé day 1a hinh vuodng;
3) Hinh hop c6 cdc mat doéi dien bang nhau;

4) Hinh lang tru c6 cdc mat bén la hinh binh hanh;

5) Hinh lang tru c6 tat ci cac mit bén bang nhau.
S6 ménh dé ding trong cac ménh dé trén I

A 2. B. 4. C. 5. D. 3.

LS giai.
Céac menh dé (1), (3) va (4) dang.
Chon dap an @ O

. MA
Cau 33. Cho tt dien ABCD. Trén cac canh AD, BC theo thit tu lay cac diém M, N sao cho —— =

AD
NC 1 2 2 2
—— = —. Goi (P) la mat phang chia dudng thang M N va song song v6i C'D. Khi d6 thiét dién cua ti

CB 3

dien ABCD cét bdi mat phang (P) la
A. mot hinh binh hanh. B. mot hinh thang v6i diy 16n gap 2 lan day nho.
C. mot hinh thang vé6i day 16n gap 3 lan day nhé. D. mot tam giac.

QL& duong thing song song véi CD cit AC tai E. A

Qua N, ké duong thang song song v6i CD cit BD tai F.

Khi d6 ME || NF || CD va (P)=(MENF). M
NF BN 2
. Jcb  BC 3 _
Ta c6 ME AM 1 = NF =2ME.
\CD AD 3
Vay thiét dién cia ABCD cét béi (P) 1a hinh thang M ENF, trong d6 day B D
l6n NF gap 2 lan day nhé M E.
C
Chon dap an 0

Cau 34. Cho hinh hop ABCD.A'B'C'D’. Goi I 1a trung diém ctia AB. Mat phang (IB’D’) cat hinh hop
theo thiét dien 1a

A. hinh binh hanh. B. hinh thang. C. hinh ch nhat. D. tam giac.
#L3H gidi.
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B'D' c (IB'D)
Tac6 { BD C (ABCD) nén giao tuyén ctia (IB'D’) v6i (ABCD) la dudng

BD | B'D' Al
thang IE qua I va song song véi BD (E € AD).
Vi IE || B'D’ nén thiét dien 1a hinh thang IED'B’.

Chon dap an O
Cau 35.
Cho hinh lap phuong ABCD.A’B'C'D’ canh a. Xét tit dién o o
AB'CD’. Cit tt dién d6 bing mat phing di qua tam ciia . =
hinh lap phuong v& song song vé6i mat phang (ABC). Tinh ! 7
dién tich ctia thiét dien thu dugc. B i (O
N | 7z
\\ ! e
\ |
\ | 4
\ \ il
\\ | //
N | s
\\\ | ///
N4
R R D
LT A TS
B C
AL B. 2% c. . p. 3
3 3 2 4
“Loi giai.
Goi I 1a tam ctia hinh lap phuong = I la trung diém ctia A Iy
AC'. A =
Goi (P) 1a mat phang qua I va song song véi (ABC). Khi d6 S 7
(P) cit cac dudng thang AB', B'C, CD', AD' lan lugt tai B’ - 10
cac trung diéem M, N, P Q. NS 0l
f AN ! : —"/j——/,L\\
Khi d6 MN = PQ—fAC——va I N G s
/ \\‘\\I _*/_/,/——‘
2 // AN —//’/
NP =MQ=_-BD = av2 PRI <
. 2 2 . ” / /)le/\— ——————— B e D
Do do, thiet dién cta ti dién cat bdi mat phang di qua tam ST AT
ctia hinh 1ap phuong va song song véi mit phiang (ABC) la el TN
. : . a2 B C
hinh thoi M N P(Q canh bang —
Mat khac NQ = MP = BC = a.
1 2
Dién tich hinh thoi MNPQ la § = JNQ - MP = %
Chon dap an @ O

Cau 36. Cho bén ménh dé sau

(1) Néu hai mit phang (o) va () song song véi nhau thi moi dudng thing nim trong mit phiang (a) déu

song song véi (f3).
(2) Hai duong thdng nim trén hai mat phiang song song thi song song véi nhau.

(3) Trong khong gian hai duong théng khong c6 diém chung thi chéo nhau.

(4) Ton tai hai dudng thang song song ma mdi dudng thing cit dong thoi hai dusng thing chéo nhau cho

trude.
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Trong caAc ménh dé trén c6 bao nhiéu ménh dé sai?
A 4. B. 3. C. 2. D. 1.
LS giai.
— Meénh dé (1) la meénh deé dung.
— Meénh dé (2) 1a ménh dé sai vi hai duong thang d6 c6 thé chéo nhau.

— Meénh dé (3) 13 ménh dé sai vi hai duong thang song song ciing khong cé diém chung.

— Meénh dé (4) 1a ménh dé sai vi néu ton tai hai dudng thang nhu trén thi cd 4 duong thing nay dong
phéng (mau thudn véi gia thiét).

Vay c6 3 ménh dé sai.

Chon dap an O
Cau 37. Mot hinh lang tru c¢6 ding 11 canh bén thi hinh lang try d6 c6 tat ca bao nhiéu canh?
A. 31. B. 30. C. 22. D. 33.

4o giai.
Hinh lang tru cé ding 11 canh bén suy ra day la da giac c¢6 11 dinh = da giac day c6 11 canh.
Vay hinh lang tru c6 ding 11 canh bén thi c6 11 + 11 -2 = 33 canh.

Chon dap an @ O
Cau 38. Cho hinh hop ABCD.A’B'C'D’. Tim ménh dé sai trong cac ménh dé sau

A. (ABB'A") || (CC'D'D). B. Dién tich hai mat bén bat ki bang nhau.

C. AA' || CC". D. Hai mat phang ddy song song v6i nhau.

L giai.

Meénh dé sai 1a “Dién tich hai mat bén bat ki bang nhau”.

Chon dap an O
Cau 39. Cho hinh lang tru ABC.A’B'C’, goi I, J, K lan lugt 1a trong tam AABC, AACC’ va ANAB'C'.
Mit phéng nao sau day song song véi (IJK)?

A. (BC'A). B. (AA'B). C. (BB'C). D. (CC'A).
£ giai.
Goi M, N, P lan lugt la trung diéem BC, CC’ va B'C'. A’

AK AT AT 2
_‘ﬁN_

Ta c6 i = 3
(MNP) hay (IJK) || (BB'C).

Suy ra (IJK)

Chon dép an (C) O

Cau 40. Cho hinh chép S.ABCD, c6 day la hinh vudéng canh a, tam gidc SAB déu. Goi M la diém trén
canh AD sao cho AM = z,x € (0;a). Mat phang (a) di qua M va song song véi (SAB) lan lugt cit cac
. . 2d?

canh CB,CS, SD tai N, P,Q. Tim  dé dien tich M N PQ bing “9\/5.

2a a a
A —. B. -. .= D.

3 4 C 2

#L3H gidi.

wl e
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(a) || (SAB)
Ta c6 { (SAB)N (SAD) = SA = (o) N (SAD) = MQ || SA
M € (a)N(SAD)
iQ e SD.
(a) [ (SAB)
(

Suy ra thiét dién ctia hinh chép S.ABCD cét bdi mit phang () 1a tit gidc M N PQ.
(a)N(SCD) = PQ
(SCD)N (ABCD)=CD

Ta c6 (ABCD) N (a) = MN = PQ,MN,CD doi mot song song. Khi d6 M N P(Q la hinh thang véGi
CD| MN
day 16n CD.
MN || AB
Hon nita ta ¢6 { PN || SB = MNP = ABS = 60° va NMQ = BAS = 60°.
MQ | 54

Do dé tit giac M N PQ 1a hinh thang can.

 PQ  SQ  AM B B
TacociD—S—D\—EépQ—AM—:U. )
Suy ra AEMN deéu canh a va AEPQ la tam giac deu canh z. Khi d6

V3 2?3
a X
SuMNPQ = SAEMN — SAEPQ = 11
. 2a%V/3 2V/3 V3  2d*V3
TheogiéthiétSMNpQ: agfﬁa;/»—xi/»— ag\/»@m—g.

N a
Vay gia tri x can tim la 3
Chon dap an (D) O

Cau 41. Cho hai mit phing (P) va (Q) song song v6i nhau. Ménh dé nao sau day sai?
A. Dudng thang d C (P) va d’ C (Q) thid | d'.
B. Moi dudng thang di qua diém A € (P) va song song v6i (Q) déu ndm trong (P).
C. Néu dudng thing A cit (P) thi A ciing cat (Q).
D. Néu duong thing a C (Q) thia || (P).
#LS gii.
Duong thing d C (P) va d’ C (Q) thi d va d’ song song hodic chéo nhau.
Moi duong thang di qua diem A € (P) va song song v6i (Q) déu nam trong (P) 14 ménh dé ding.
Néu duong thing A cit (P) thi A ciing cit (Q) ding (tinh chat 2 mat phing song song).
Néu duong thang a C (Q) thi a || (P) 1a ménh dé ding.
Chon dap an @ O

Cau 42. Cho duong thing a nim trong mit phang («) v dudng thing b nim trong mit phang (3). Ménh
dé nao sau day sai?

A (o) | (B)=alb. B. (@) || (8) = a |l (8)-

C. (o) | (B)=0b] (a). D. a va b hoac song song hoac chéo nhau.
LI giai.
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Néu () || (8) thi ngoai trudng hgp a || b thi a va b ¢6 thé chéo nhau.
Chon dap an (A) O

Cau 43. Lang tru tam giac ¢6 bao nhiéu mat?
A. 6. B. 3. C. 9. D. 5.
“Loi giai.
Theo 1y thuyét.
Chon dap an @ O

Cau 44. Cho lang tru ABC.A'B'C’. Goi G, G’ lan luct 1a trong tam cac tam giac ABC, A’B'C'. M la
diém trén canh AC sao cho AM = 2MC. Ménh dé nao sau day sai?

A. GG’ | (ACC'AY). B. GG’ | (ABB'A).
C. Dudng thing MG’ cit mit phing (BCC'B’). D. (MGG') || (BCC'B').
LS giai.

Vi G, G’ lan lugt 1a trong tam céac tam giac ABC, A’B'C’ nén ta ¢6 GG’ || o
(ACC'A"), GG' || (ABB'A'), GG’ || (BCC'B').
Goi N 1a trung diém BC, ta c6 40 = AM 5 MG | CN =

of N 1a trung diem BO, ta ¢6 = = -5 = 2 nén suy ra

MG || (BCC'B).

Tu GG’ | (BCC'B’) va MG || (BCC'B’) ta ¢c6 (MGG'") || (BCC'B'). Do
vay MG || (BCC'B’).

Vay, ménh dé sai la: “Dudng thang MG’ cit mat phang (BCC'B')".

Chon dap an @ O

Cau 45. Cho lang tru ABC.A’B'C’'. Goi G, G’ lan lugt 13 trong tam cac tam giac ABC va A'B'C’, M 1a
diém trén canh AC sao cho AM = 2MC. Ménh dé nao sau day sai?

A. GG | (ACC'A). B. GG' || (ABB'A").

C. Duong thang MG’ cit mit phang (BCC'B’). D. (MGG') || (BCC'B").
@Lai giai.
Ta c6 GG’ || AA' va MG || BC nén A

— GG’ || (ACC'A’) 1a menh deé dung,
— GG' || (ABB'A’) 1a ménh dé dung,
— (MGG || (BCC'B")1a ménh dé ding,

— Dudng thing MG’ cit mit phiang (BCC’'B’) 1a ménh dé sai.

Chon dap an @ O

Cau 46. Cho hinh hop ABCD.A'B'C'D’. Goi M 1a trung diém ctia AB, mit phéng (M A’C") cit canh BC

. MN
tai V. Tinh ti s0 k = 10
1 1 2
A k=—-. B. k=-. C. k=-. D. k=1.
2 3 3

L1 giai.
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Ba mit phang phan bigt (ABCD), (ACC'A’), (M A'C’) doi mot cat
nhau theo ba giao tuyén AC, A’C’ va M N. Theo tinh chat hinh hop
ta co AC || A'C" nen MN || AC || A'C".

Lai c6 M la trung diém ctia AB nén M N la dudng trung binh trong
tam giac ABC.

1 1

_MN 1

AC 2

Chon dap an @ O

Cau 47. Cho ba mit phang (), (8), (y) doi mot song song. Hai duong thang d, d’ lan lugt cit ba mat
phéng nay tai A, B, Cva A', B, C' (B nam giita A va C, B/ nim giita A’ va C"). Gid stt AB =5, BC = 4,
A'C" = 8. Tinh do dai hai doan thing A'B’, B'C".

A. AB =10, BC' =8, B. A'B' =8, B'C' = 10.

C. A'B' =12, B'C' =6. D. A'B =6, B'C' = 12.
Lol gﬁ% BC  AB+BC  AC

Z —"_ I R/ Fall

TacoA’B’_B’C”_A’B’+B’C”_A’C’:>AB_10’BC_S'
Chon dap an @ ([

Cau 48. Trong khong gian, cho cac ménh dé sau
I. Hai duong thang phan biét cting song song v6i mot mit phing thi song song véi nhau.

II. Hai mat phang phan biét chita hai duong thang song song cit nhau theo giao tuyén song song véi hai
dudng thang dé.

III. Néu duong thang a song song véi dudng thing b, dudng thing b nim trén mat phang (P) thi a song
song véi (P).

IV. Qua diém A khong thuoc mit phiang (a), ké duge ding mot duong théng song song véi ().

S6 ménh deé ding 1a

A. 2. B. 0. C. 1 D. 3.
£L5E gii.
Xét ting ménh dé ta co

I. “Hai dudng thing phan biét cling song song véi mot mit phang thi song song véi nhau” 1a ménh dé
sai, vi hai dudng thing c6 thé chéo nhau.

II. “Hai miit phang phan biét chita hai dudng thing song song cit nhau theo giao tuyén song song véi hai
duong thing d6” 1a meénh dé sai, vi hai mat phang dé cé thé song song nhau.

III. “Néu duong thang a song song v6i dudng thang b, dudng thang b nim trén mit phang (P) thi a song
song véi (P)” 1a ménh dé sai, vi dudng thing a viAn c6 thé nim trong mat phang (P).

IV. “Qua diém A khong thuoc mat phiang (a), ké duge ding mot dudng thing song song véi (a)” 14 ménh
dé sai, vi c6 vo s6 dudng thang di qua diém A va song song véi ().

Vay khong c6 ménh dé nao ding trong cic ménh dé néu trén.
Chon dap an O
Cau 49. Cho hinh chép S.ABCD véi day 1a hinh thang ABCD, AD || BC, AD = 2BC'. Goi FE la trung
diém AD va O la giao diém ctia AC va BE, I 13 mot dieém thuoc doan OC (I khac O va C). Mat phang
() qua I song song v6i (SBE) cat hinh chép S.ABCD theo mot thiét dien 1a

A. Mot hinh tam giac.

B. Mot hinh thang.

C. Mot tu giac khong phai 1a mot hinh thang va khong phai 1a hinh binh hanh.
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D. Mot hinh binh hanh.

igia
( (SBE)
Ta c6 { (SBE)N(ABCD) = BE
(@) ABC’D) = Iz
= Iz || BE
= Iz cat BC tai M, AD tai Q.
(o) || (SBE)
Ta c6 {(04) N (SBC)
(SBE) SBC) SB
SB = Mz cat SC tai N.
(o) || (SBE)
Ta c6 {(a N(SAD) = Qx
(SBE) N (SAD) = SE
I

= Qu || SE = Qux cat SD tai P.

T giac BCDE la hinh binh hanh = CD || BE | MQ = CD || ().
CD | (a)

Ta c6 ¢ CD C (SCD)
(SCD)N (a) = PN
= CD || PN = MQ || PN
Vay thiét dién tao bdi mit phéng («) v6i hinh chép S.ABCD la hinh thang M N PQ).

Chon dap an O

Cau 50. Cho hinh chép S.ABCD c6 day la mot hinh binh hanh. Goi A’, B/, C’, D' 1an lugt la trung diém
clia cac canh SA, SB, SC, SD. Tim ménh dé dang trong cac ménh deé sau.

A. A'B'| (SBD). B. A'B' || (SAD). C. (A'C'D') | (ABC). D. A'C"|| BD.
&L giai.

Ta c6 A'C' || AC = (A'C'D') || (ABC).

Chon dap an @ (I

Cau 51. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Goi M 13 trung diém ctia AB, N 1 tam hinh vuong
AA'D'D. Tinh dién tich thiét dién ctia hinh lap phuong ABCD.A'B'C’' D’ tao bdi mit phang (CMN).

a?y/14 3a2y/14 3a? b a?\/14
Y S R

A. B. C. —.

4

L1 giai.
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D’ c’
I
I
I
Q
E Al A
N R : \\\ B/
\\\ /// : \\ ~ F
N \\\\\‘\\:\\\\\ , 4 \\\
7/ \ N I /7 T~-< ~
/ \ N T~
/ R L 1 &)
P \/\/\\/MD // /,/’//
. \ 7 _r
s ‘s -7
// ‘//,’
A M B
Thiét dien nhu hinh vé. Tt gidac CQPM 13 hinh thang c6
) 13 10 v13
C’M:a\—f,PM:a L PQ=2" 0g=2""
2 6 3 3
v 10 13
SuyraMF:PQ:ag ,CF:PM:a6

Ta co SCMPQ = 3SCMF‘

M+ MF+ F
Semr = +/plp—CM)(p— CF)(p — MF) v6i p = CM+ 5 + C. Thay gia tri cac canh ta c6 Scyr =
[T _ a?\/14
ia = SCMPQ = 1
Chon dap an @ ([
Cau 52. Cho hinh hop ABCD.A’B’C'D’. Ménh dé nao sau day 14 ménh dé sai?
A. (BA'C') || (ACD). B. (ADD'A') || (BCC'B)).
C. (BA'D) || (CB'D"). D. (ABA4") || (CB'D").
L giad.
Ta co
BA' || cD’ o ,
o = (BA'C") || (ACD").
A'C" || AC
AD || BC
= (ADD'A’ BCC'B).
BD || B'D’
, | , . = (BA'D) | (CB'D).
A'D || B'C

Mt khac B’ € (ABA’) N (CB'D') = (ABA') || (CB'D’) 1a ménh dé sai.

Chon dap an @ ([
Cau 53. Cho hinh hop ABCD.A’B’'C'D’. Ménh dé nao sau day 1a sai?

A. (ABCD) || (AB'C'D’). B. (AA'D'D) | (BCC'B').

C. (BDD'B") || (ACC'A"). D. (ABB'A") || (CDD'C").

#LoT giai.
(ABCD) || (A’B'C'D")
Ta thay { (AA'D'D) || (BCC'B’) luon ding. A
(ABB'A") || (CDD'C")
va hai mat phang (BDD'B’), (ACC'A’) 1a c&t nhau.

B* C
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Chon dap an @ O

Cau 54. Cho dudng thang a thuoc mit phing (P) va duong thang b thuoc mat phang (Q). Ménh dé nao
sau day dang?

A alb=(P)] (@) B. (P)] (@) = al b

C.(P)(Q)=al| (Q)vabl| (P). D. a va b chéo nhau.
HLS giai.
(P) || (Q) suy ra (P) va (Q) khong c6 diém chung. Mit khac a € (P) nén a va (Q) cling khong c¢6 diém
chung. Suy ra a || (Q). Tuong tu ta cing c¢6 b || (P).
Chon dap an (C) 0

Cau 55. Cho hinh hop ABCD.A'B'C'D’. Mt phéang (AB'D’) song song v6i mit phang nao sau day?
A. (BDA). B. (A'C'C). C. (BDC). D. (BCA').

£Loi gidi.

Mit phing (AB’D’) song song v6i mat phang (BDC”).

That vay, ta ¢c6 AB’ | DC" va AD' || BC’, c¢6 diéu can chiing
minh. B’ A’

¥ D’

Chon dap an @ O

Cau 56. Cho hinh hop ABCD.A’B'C’'D’. Mit phang (AB’D’) song song v6i mit phang nao sau day?
A. (BA'CY). B. (C'BD). C. (BDA). D. (ACD').

HLOT giai.

Ta ¢6 BDB'D’ 1a hinh binh hanh nén BD || B'D’. Tuong tu

ta co AD' || BC'.

Tu d6 suy ra BD || (AB'D’) va BC' || (AB'D’).

Vay (AB'D') || (C'BD)

Chon dap an 0

Cau 57. Cho tit dien ABCD c6 AB = 6, CD = 8. Cét tit dién béi mot mat phing song song v6i AB, CD

dé thiét dien thu dugc 13 mot hinh thoi. Canh ctia hinh thoi dé bing

31 18 24 15

—. B. —. C. —. D. —.
7 7 7 7

“Loi giai.

A.
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Goi M, N, P,Q lan lugt la giao diém ctia mit phang chita thiét dien véi D
cac canh AC, BC, BD, AD, khi d6 theo gia thiét tit giac M NPQ 13 hinh
thoi.
Ciing tur gid thiét ta suy ra PQ || MN || AB, MQ || NP || CD nén ta c6
CM MN AM_MQ:AC—CM_MQ Q P
AC  AB’ AC CD AC -~ CD
_Cle_MN:MQ:MN A B
AC AB CcD CD
1 1 24
= MN = == N
L1 L1 7 >
AB CD 6 8

. T
Vay canh ctia hinh thoi can tim la -~
Chon dap an @ O

Cau 58. Cho hinh chép S.ABCD c6 diy ABCD la hinh binh hanh. Goi d la giao tuyén ctia hai mit phing
(SAD) va (SBC). Khang dinh nao sau day la ding?

A. d qua S va song song véi AB. B. d qua S va song song véi BC.
C. d qua S va song song v6i DC. D. d qua S va song song véi BD.
“Loi giai.
S e (SAD)N (SBC)
AD C (SAD)
BC c (SBC)
AD || BC
= (SAD)N(SBC)=d || AD || BC va d di qua S.

Chon dap an O

Cau 59. Cho tit dien déu SABC. Goi I la trung diém ctia doan AB, M 1l diém di dong trén doan AI.
Qua M vé& mit phing () song song véi (SIC). Thiét dien tao bdi («) véi tit dien SABC 1a

A. hinh thoi. B. tam giac can tai M. C. tam giac déu. D. hinh binh hanh.

L1 giai.
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Trong mit phang (SAB), qua M ké dudng thing song song v6i ST cit SA tai P.
Trong mat phang (ABC), qua M ké dudng thang song song véi IC cat AC tai N.
Thiét dien 13 tam giac MNP. Ta c6

MP MN

< = g = MP=MN (viSI=CI).

Vay thiét dien 1a tam giac MNP can tai M.
Chon dap an O

Cau 60. Cho hinh hop ABCD.A’B'C’'D’ va diém M nam giita hai diém A va B. Goi (P) la mit phang di
qua M va song song v4i mit phang (AB’D’). Mat phang (P) cit hinh hop theo thiét dién 1 hinh gi?

A. Hinh ngi giac. B. Hinh luyc giac. C. Hinh tam giac. D. Hinh ti giac.
LS giai.
Nhan thay (BC'D) || (AB'D'") = (BC'D) || (AB'D’) || (P). (1) B C
Do (1), ta gia stt (P) cit BB’ tai N, suy ra (P)N(ABB'A’) = M N,
két hop véi (AB'D') N (ABB'A’) = AB’ suy ra MN || AB’, suy
ra N thuoc canh BB’.
Tuong tu, gia st (P)N(B'C’') = P suy ra (P)N(BCC'B') = NP.
Két hop véi (1) suy ra NP || BC'.
Tuong tu, (P)N(C'D") = @ sao cho PQ || B'D'; (P)NDD' =G
sao cho QG || C'D; (P)N AD = H sao cho GH || AD'".
Tt d6 suy ra thiét dien 1a luc giac MNPQGH.

Chon dap an @ ([

Cau 61. Cho hinh lap phuong ABCD.A'B'C'D’', ACNBD = O,AC'"B'D' = O'. M,N,P lan luct 1
trung diém ctia cac canh AB, BC,CC’. Khi d6 thiét dién do mat phang (M N P) cét hinh lap phuong la
hinh

A. Tam giac. B. Tu giac. C. Ngu giac. D. Luc giac.

L1 giai.
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Ta c6 MN || AC nén (MNP)N (ACC'A") = Pz || AC ||

/
MN, goi Q = PxNAA", PxnOO’ = I. Ma P la trung diém D
ciia CC' nén @, I lan lugt 1a trung diém cia AA’, OO'. e
X6t mit phing (BDD'B') goi 1J N B'D' = H. Theo tinh
chat déi xitng ctia hinh lap phuong va J la trung diém ctia B’
BO nén H la trung diém ctia D'O’.
(MNP) | AC || A’/C" nen (MNP)N (A'B'C'D') = Hy ||
A'C'. Goi E = Hyn A'D', F = HynC'D'. Khi d6 thiét dien
la luc giac MNPFEQ.

-3 D

Chon dap an @ [l

Cau 62. Chon ménh dé ding trong cic ménh dé sau:

A. Trong khong gian hai duong thing chéo nhau thi khong c6 diém chung.
B. Trong khong gian hai duong thing phan biét cling song song v6i mot mat phing thi song song véi
nhau.
C. Néu mit phang (P) chita hai duong thang ciing song song véi mat phang (Q) thi (P) va (Q) song
song v6i nhau.
D. Trong khong gian hinh biéu dién clia mot géc thi phai 1d mot géc bing né.
“Loi giai.
Hai duong thang chéo nhau la hai dudng thing khong ciing nim trong mot mat phing. Do d6 ménh dé
"Trong khong gian hai dudng thang chéo nhau thi khong c6é diém chung" ding.
Chon dap an @ O

Cau 63. Cho tit dien ABCD. Diém M thuoc doan AC (M khac A, M khac C). Mit phang (o) di qua M
va song song véi AB va AD. Thiét dién ctia (a) véi tit dien ABCD 1a hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh vuong. D. Hinh ch@ nhat.
#Lo1 giai.
Trong mit phang (ACD) ké MN || AD,N € CD. A
Trong mit phang (ABC) ké MP || AB, P € BC.

Tu d6 suy ra (o) = (M N P). Ma thiét dién ctia (M N P) va ti dién
ABCD la tam giac MNP.

Chon dap an @ O

Cau 64. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N, P theo thu tu la
trung diém ctia SA, SD va AB. Khing dinh nio sau day ding?
A. (NOM) cat (OPM). B. (MON) || (
C. (PON)N(MNP)=NP. D. (NMP) | (
“Lai giai.

SBC).
SBD).
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MN || AD (dudng trung binh ASAD)
— = MN ||

OP || AD  (duong trung binh ABAD)
OP = O, N, M, P cing nim trong mot mat phing.
{MN | AD || BC C (SBC)

OM || SC c (SBC)
= (OMN) || (SBC).

Chon dap an O

Cau 65. Cho tit dién déu ABCD canh a va G la trong tam tam gidc ABC. Cét ti dién béi mat phang
(P) qua G vi song song v6i mit phang (BCD) thi dién tich thiét dién bing bao nhiéu?

A V3 B, ©V3 c. ©V3, . ©V3

4 18 16 9

4 Loi giad.

Trong mit phang (ABC) ké dudng thing qua G va song song

v6i BC cat AC, AB lan luogt tai H, K. A
Trong mat phang (ACD) ké dudng thang qua H vi song song

v6i CD cat AD tai 1.

Thiét dién can tim 14 KHI.

PR L2
AKHI «~ ABCD theo ti so dong dang bang 3

K I
Do d6 St = +Spop = SEV3 _ V3
KHI—9 BC’D—9 4 - 9 .
B D
C
Chon dap an (D) O

Cau 66. Cho ttt dien déu SABC. Goi I la trung diém ctia canh AB, M la diém di dong trén doan thing
AI. Goi (a) 1a mat phang di qua diém M dong thsi song song véi mit phang (SIC). Thiét dien ctia tit dién
SABC cit bdi mat phang («) 1a

A. mot hinh thoi. B. mot tam gidc can tai M.
C. mot tam giac déu. D. mot hinh binh hanh.
#Loi giai.
Qua M ké dudong thing song song véi ST cit SA tai P. S

Qua M ké dudng thang song song v6i IC cit AC tai N.
Thiét dién ctia S.ABC cit béi (a) 1a tam gidc MNP.
_MP _AM _MN AN NP

Ta c6 = = = , P
S1 Al cr AC  SC

Suy ra AMNP «~ AICS.
Ma AICS can tai S (khong déu) nén tam gidc MNP can tai M
va cling khong déu.

A C

M
1
B

Chon dap an @ ([
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Cau 67. Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD, AB//CD, AB = 2CD. M la diém thuoc
canh AD, (a) la mit phing qua M va song song v6i mat phang (SAB). Biét dién tich thiét dien ctia hinh
. . N 2 P MA
chép cat b6i mit phang (a) bang 3 dién tich tam giac SAB. Tinh ti s6 z = VD
1 3 2
A.w:§. B. z=1. C.xzi. D.x:§.
L3 giai.

(a) || (SAB)
Ta ¢6 { (ABCD)N (SAB) = AB  suy ra giao tuyén clia (o) va (ABCD) la duong thing qua M va
M € (a) N (ABCD)
song song AB, duong thing nay cit BC tai N. Tuong tu giao tuyén ciia (o) va (SBC) la dudng thing qua
N song song SB cat SC tai P, giao tuyén ctia (o) va (SCD) la dudng thang qua P song song C'D cat SD

tai Q. Thiét dien ctia S.ABCD khi cit bdi (o) 1a hinh thang M N PQ.

P S AM
DatCD:a,tacé—Q——Q— -7 & PQ = ar

CD SD AD =z+1 41
1 2
Trong hinh thang ABCD ta c6 MN = v CD+—AB= M.
z+1 z+1 z+1

Goi K 1a hinh chiéu cta S len AB, H la giao cia M N va CK, khi d6 PH || SK va do d6 PH1MN,
PH CH DM 1

thé {i¢ = = =
em aSSK C’K( DA )x+ 1
. SMNPQ PQ+ MN)PH 1 | 2 1
T = = . Th thiét = or=—_.
80 TS me SK - AB T L - I
Chon déap an @ 0

Cau 68. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi d 1a giao tuyén ctia hai mat phing (SAD)
va (SBC). Khiang dinh nao sau day la khing dinh ding?
A. d di qua S va song song v6i BD. B. d di qua S va song song v6i BC.
C. d di qua S va song song v6i AB. D. d di qua S va song song v6i DC.
“Loi giad.
S e (SAD)N(SBC)
Vi ¢ AD C (SAD),BC C (SBC) S

d
AD || BC
nén d = (SAD) N (SBC) la duong thang qua S va song song véi BC.
B
A D
Chon dap an O

Cau 69. Cho tit dien ABCD. Goi Gy, G2, G3 lan lugt 1a trong tam cac tam giac ABC, ACD, ABD. Phat
biéu nao sau day dang?
A. (GngGg) Cét (BCD) B. (GlGQGg) H (BCD)
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C. (G1G2Gs) || (BCA). D. (G1G2G3) khong c6 diém chung (ACD).
LS gii.
Goi M, N, P lan lugt la trung diém ctia BC, CD, BD.

. ,'SGl_SGg_SGg_g
Khi doé: S - SN =

N SP 3
= G1Go H MN, = G1G3 H MP.
Suy ra (G1G2G3) ” (BCD)

Chon dap an @ ([l

Cau 70. Hiy chon ménh dé dang trong cac ménh dé sau day.
A. Hai mit phing phan biét khong song song thi cit nhau.
B. Néu hai mit phéng song song thi moi dudng thing ndm trén mit phing nay déu song song véi moi
dudng thing nim trén mat phang kia.
C. Néu hai mit phéng (P) va (Q) lan lugt chita hai dudng thing song song thi song song véi nhau.
D. Hai mit phing cling song song véi mot duong théng thi song song véi nhau.
Lo giai.
Hai miit phang c6 ba vi tri tuong déi la : song song, cit nhau, triing nhau.
Do d6, hai mat phing phan biét khong song song thi cit nhau.
Chon dap an @ O
Cau 71. Cho hinh hop ABCD.A'B'C'D’. Goi M, N theo thit tu la trung diém AB’, BC. Mit phang
(DM N) cat hinh hop theo mot thiét dien hinh
A. Luc giac. B. Ngi giac. C. Tam giac. D. T giac.
“Loi giai.

Trong mit phang (ABCD), goi E la giao diém ciia ND va AB.

Trong miit phing ABB'A’, goi F, G lan lugt la giao diém ctia EM v6i BB', AA'.

Khi d6 mat phang (DM N) cit hinh hop theo mot thiét dien 1a tit gidc NFGD.

Chon dap an @ O

Cau 72. Khing dinh nao sau day ding?
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Hinh lang tru ding c6 day 1a mot da gidc déu 1a hinh lang tru deéu.
Hinh lang tru ding 13 hinh lang tru déu.
Hinh lang tru c6 day 1a mot da gidc déu la hinh ling tru deéu.

cCawp

Hinh lang tru ti giac déu 1a hinh lap phuong.

#L31 giai.

Hinh lang tru ding c6 day 1a mot da giac déu 1a hinh lang tru deéu.

Chon dap an @ O

Cau 73. Xét cac menh dé sau
(1) Hinh hop 1a mot hinh lang try;
(2) Hinh lap phuong 1a hinh hop ding c¢6 day 1a hinh vuoéng;
(3) Hinh hop c6 cac mit dbi dien bang nhau;
(4) Hinh lang tru c¢6 cac mat bén la hinh binh hanh;
(5) Hinh lang tru c6 tat cd cac mit bén bang nhau.
S6 ménh dé ding trong cdc meénh dé trén 1a
A 2. B. 4. C. 5. D. 3.
LS giai.
Céac menh dé (1), (3) va (4) dang.
Chon dap an @ O

P 2 MA
Cau 74. Cho ti dien ABCD. Trén cac canh AD, BC theo tht ty lay cac diem M, N sao cho aD =

NC 1 . . .
OB - 3 Goi (P) 1a mat phang chita duong thiang M N va song song véi CD. Khi d6 thiét dién cta ti

CB

dien ABCD cét bdéi mit phing (P) 1a
A. mot hinh binh hanh. B. mot hinh thang véi ddy 16n gap 2 lan day nho.
C. mot hinh thang vé6i day 16n gap 3 1an day nhé. D. mot tam giac.

QLviVEikt dudng thang song song véi CD cat AC tai E. A

Qua N, ké dudong théng song song véi CD cat BD tai F.
Khidé ME || NF || CD va (P)=(MENF).

NF BN 2 M

Tacs OD BC 3 = NF=2ME,
CD ~ AD 3
Vay thiét dién cia ABC'D cat béi (P) 1a hinh thang M ENF, trong dé6 day B A D
l6n NF gap 2 lan day nhé ME.
N
C

Chon dap an O

Cau 75. Cho hinh hop ABCD.A'B'C'D’. Goi I la trung diém ctia AB. Mat phang (IB’D’) cit hinh hop
theo thiét dien la

A. hinh binh hanh. B. hinh thang. C. hinh ch nhat. D. tam giac.
“Loi giai.
B'D' c (IB'D")
Tac6 ¢ BD C (ABCD) nén giao tuyén ctia (IB'D’) v6i (ABCD) 1a dudng
BD || B'D'

thang IE qua I va song song véi BD (E € AD).
Vi IE || B'D’ nén thiét dien 1a hinh thang TED'B’.

Chon dép an O
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Cau 76.
Cho hinh 1ap phuong ABCD.A’B'C'D’ canh a. Xét tit dién o 3y
AB'CD’. Cit tt dién d6 bing mat phing di qua tam ciia . =
hinh lap phuong va song song vé6i mat phang (ABC). Tinh ! 7
dién tich ctia thiét dien thu dugc. B i (O
N | 7z
\\ ! //
\ |
\ | 4
\ \ il
\\ | //
N | s
\\\ | ///
N4
R R D
LT A TS
B C
AL B 2 c. ¢ p. %
3 3 2 4
“L3i giai.
Goi I 1a tam ctia hinh 1ap phuong = [ 1a trung diém cta A Iy
AC'. 7 =
Goi (P) 1a mat phang qua I va song song véi (ABC). Khi d6 S 7
(P) cit cac dudng thang AB', B'C, CD', AD' lan lugt tai B’ — 10 7
cac trung diém M, N, P, Q. N // i //,,/
1 2 R Lo
Khi d6 MN—PQ—2AC—G\2[VEL M®IX_"0 1,07 | 3P
/ \\‘\\I _*/_/,/——‘
1 2 // \\ —//’/
NP=MQ=-B'D = av2 PRI <
. 2 2 . ” / /)le/\— ——————— B e D
Do do, thiet dién cta t1 dién cat bdi mit phang di qua tam ST AT
ctia hinh lap phuong va song song véi mit phiang (ABC) la el TN
. . LoaV? B C
hinh thoi M N P(@Q canh bang —5
Mit khac NQ = MP = BC = a.
1 2
Dién tich inh thoi MNPQ Ia § = JNQ - MP = %
Chon dép an (C) 0

Cau 77. Cho b6én ménh dé sau

(1) Néu hai mit phing (o) va () song song véi nhau thi moi dudng thang nim trong mit phiang (a) déu
song song véi (f3).

(2) Hai duong thang nim trén hai mit phing song song thi song song v6i nhau.
(3) Trong khong gian hai duong théng khong c6 diém chung thi chéo nhau.

(4) Ton tai hai dudng thang song song ma mdi dudng théng cit dong thoi hai duong thang chéo nhau cho
trudce.

Trong caAc ménh dé trén c6 bao nhiéu ménh dé sai?
A. 4. B. 3. C. 2 D. 1.
“Loi giai.
— Menh dé (1) 1a ménh dé dung.
— Meénh dé (2) 13 ménh dé sai vi hai duong thang d6 c6 thé chéo nhau.
— Meénh dé (3) 1a ménh dé sai vi hai dudng thing song song ciing khong c6 diém chung.
)

— Meénh dé (4) 1a ménh dé sai vi néu ton tai hai dudng thang nhu trén thi cd 4 duong thing nay dong
phéng (mau thudn véi gid thiét).

Vay c6 3 ménh dé sai.

Chon dap an O
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Cau 78. Mot hinh ling tru c¢6 ding 11 canh bén thi hinh lang try d6 c6 tat ca bao nhiéu canh?
A. 31. B. 30. C. 22. D. 33.

“Loi giai.

Hinh ldang tru c6 dang 11 canh bén suy ra day la da giac ¢6 11 dinh = da giac day ¢6 11 canh.

Vay hinh lang tru c6 ding 11 canh bén thi c6 11 + 11 - 2 = 33 canh.

Chon dap an @ O
Cau 79. Cho hinh hop ABCD.A’B'C'D’. Tim ménh dé sai trong cac ménh dé sau

A. (ABB'A") || (CC'D'D). B. Dién tich hai m#t bén bat ki bang nhau.

C. AA || cC'. D. Hai mit phing day song song véi nhau.

#Loi giai.

Meénh dé sai 13 “Dién tich hai m#t bén bat ki bang nhau”.

Chon dap an O
Cau 80. Cho hinh lang tru ABC.A'B'C’, goi I, J, K lan ludt 1a trong tam AABC, AACC’ va ANAB'C'.
Mit phang nao sau day song song véi (IJK)?

A. (BC'A). B. (AA'B). C. (BB'O). D. (CC'A).
£LoT giad.
Goi M, N, P lan lugt la trung diém BC, CC’ va B'C'. A’

AK AT AL 2

AP AN AM 3
Suy ra (IJK) | (MNP) hay (IJK) || (BB'C).

Ta c6

Chon dap an @ O

Cau 81 (Tac gia: Lé Thi Thu Hing, Email: lethuhang2712@gmail.com).
Cho hinh chép S.ABCD day la hinh thang, day 16n BC = 2a, AD = a, AB = b. Mat bén (SAD) la tam
giac déu. Mat phéng («) qua diém M trén canh AB va song song véi cic canh SA, BC. Mat phing («) cit
CD,SC,SB lan lugt tai N, P,Q. Dat x = AM (0 < z < b). Gia tri 16n nhat ctia dién tich thiét dien tao bdi
() va hinh chép S.ABCD la

a’V/3 a’V/3 a’V/3 a*V/3

A. 6 B. 9 C. 5 5

“Lo1 gidi.

() || SA va BC nén (a) || (SAD)= MQ | SA,NP || SD.
Ta c6 MN || PQ || AD || BC.

Theo dinh 1y Talét trong hinh thang ABCD ta c6

2w
BA CD’

Theo dinh 1y Talét trong ASAB ta c¢6

BM BQ MQ
BA - Bs ~ sa?

Theo dinh ly Talét trong ASCD ta ¢6

ON _CP_PN
CD CS SD’
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b
Tie (1), (2). 3) suy ra MQ = NP = "0 PQ = Y20 MN = a + Lo,
Suy ra thiét dién 1 hinh thang can va
1 MN — PQ\?
S =5 (MN + PQ)\/MQ2 - (2Q>

1 <ab+ ar 2aix) \/aQ(b —z)? B a’(b— )? _1loa a(b+ 3z) a\/g(b —x)
2 b b b2 4b2 2 b 2
a’V3 2%’3x+b+% 3z
. 0y < )
Tz (3T TH)Bb=37) < o
2
Vay dien tich 16n nhat cia thiét dien 1a 2 V3imie= b,

Chon dép 4n (C) O

Cau 82 (Tac gia: Dang Duy Hiuing). cho hinh hop ABCD.A'B'C'D’. Trén canh AB lay diém M khéc
. ) AM

A va B. Goi (P) la mit phang di qua M va song song v6i mat phang (ACD'). Pat — =k, 0 < k < 1.

AB
Tim k dé thiét dien ctia hinh hop vA mat phang (P) c6 dién tich 16n nhat.
1 1 2
A k=—-. B.k‘zé. C. kE=-. D. k=-.
2 4 4 5

Lo giai.

D/ Q Cl

Trong mit phang (ABCD), qua M ké dutng thing song song véi AC cit DB, BC lan lugt tai E, N.
Trong mat phang (BDD'), qua E ké duong thing song song v6i OD’ cit B’ D’ tai F.
Trong mit phang (A’B'C'D’), qua F ké dudng thing song song véi AC cit A’D’, D'C’ 1an luct tai R, Q.
Trong mat phang (AA’DD’) qua R ké dudng thing song song v6i AD’ cit AA’ tai S.
Trong mit phang (CC'D’'D), qua Q ké dudng thing song song v6i CD’ cit CC’ tai P.
Vay thiét dien 13 luc gidc MNPQRS.
Do cac mat doi dién ctia hinh hop song song nén cac canh déi ctia luc giac thiét dien M N PQRS song song
va 3 cdp canh d6 lan lugt song song vdi cac canh tam giac ACD’'. Cac tam giac JKI, ACD', RQI, JMS,
NKP dong dang

MJ _ MA NC NK PC PK_QD’ QI

T MN _ MB NB NM ~PC’T PQ QC' T QP

= MJ=NK va PK = QI.
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Suy ra cac tam giac RQI, JMS, N K P bang nhau (goi dién tich ctia ching 1a S; va dién tich cic tam giac
JKI, ACD' 1an lugt 1a S, S).

,Sl_<JM>2_<AM>2_<AM>2_ ) o
Ta c6 < =\ac) =\pe) =\um =k* =51 =k°S.
S JKN\? (JM+4+ MK\?

2= (G0) - (Fg™) —t+es=aps

Dién tich thiét dien
3S

Std:52—351:25(—k2+k+1)37

2

L s 1
Dau ding thic xay ra khi k = 3
Chon dap an @ O

Cau 83. Cho hinh choép S.ABCD c6 day ABCD 1a hinh binh hanh tam O. Goi M, N, P theo thu ty la
trung diém ctia SA, SD vh AB. Khing dinh nao sau day ding?
A. (NOM) cat (OPM). B. (MON)//(SBC).
C. (PON)N(MNP)=NP. D. (NMP)//(SBD).
“Loi giai.
Xét hai mit phang (MON) va (SBC).
Ta c6: OM//SC va ON//SB.
Ma BSNSC=CvaOMNON = 0.
Do d6 (MON)//(SBC).

Chon dap an O
Cau 84. Cho hinh lang try ABCDA'B'C’'D’. Tim ménh dé sai trong caAc ménh dé sau:

A. (AA'B'B) song song véi (CC'D'D). B. Dién tich hai m#t bén bat ki bang nhau.

C. AA’ song song véi CC". D. Hai mat phing day song song véi nhau.

“L3i giai.

Dép 4n 1 B.
Chon dap an 0
Cau 85. Tim ménh dé ding trong cdc ménh dé sau day
A. Néu hai dudng thang song song v6i nhau lan lugt nim trong hai mit phéng phan bigt (P) va (Q) thi
(P) va (Q) song song véi nhau.
B. Qua mot diém nim ngoai mat phing cho trude ta vé duge mot va chi mot duong thing song song véi
mat phang cho trude do.
C. Néu hai mit phiang (P) va (Q) song song v6i nhau thi moi dudng thing nim trong mat phing (P)
déu song song véi mat phing (Q).
D. Néu hai mit phang (P) va (Q) song song v6i nhau thi moi dudng théing nim trong mit phang (P)
déu song song véi moi dudng thing nim trong mat phang (Q).
#LSi giai.
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Chon dap an (C) 0

Cau 86. Trong cac ménh dé sau, ménh dé ndo ding?

Hai duong thing ciing song song v6i mot dudng thang thit ba thi song song véi nhau.

Hai duong théng ciing song song v6i mot duong thang thit ba thi triing nhau.

Hai duong théng cling song song v6i mot dudng théng thi ba thi song song véi nhau hoic triing nhau.
Hai duong théng cling song song v4i mot duong thing thi ba thi ching lan lugt ndm trén hai mat
phéng song song..

“Loi giai.

Hai duong thing cling song song véi mot duong thang thit ba thi song song v6i nhau hoiic tring nhau.
Chon déap an (C) O

SCawp

Cau 87. Trong cac khang dinh sau, khing dinh nao ding?
A. Hai duong thing chéo nhau thi ching c6 diém chung.
B. Hai duong thing khong c6 diém chung 13 hai dudng thing song song hoiic chéo nhau.
C. Hai duong thing song song v6i nhau khi ching & trén cting mot mit phing.
D. Khi hai duong thang & trén hai mit phing phan biét thi hai dudng thing dé chéo nhau.
“LG1 giai.

— Menh dé “Hai duong théng chéo nhau thi ching c6 diém chung” sai vi hai duong thang chéo nhau thi
chiing khong c6 diém chung.

— Menh dé “Hai duong thing song song véi nhau khi ching & trén ciing mot mit phang” sai vi c6 thé
x4y ra truong hop hai dudong thang dé hoac cit nhau hoiic triing nhau.

— Menh dé “Khi hai duong théng & trén hai mat phing phan biét thi hai duong thing dé chéo nhau” sai
Vi ¢6 thé xay ra truong hop hai dudng thing dé song song.

Chon dap an O

Cau 88. Cho ba mat phang phan biét (o), (8), (7) ¢ ()N (B) =dy; (B) N (y) = do; (o) N (7) = ds. Khi
dé6 ba duong théng di, da, d3

A. doi mot cat nhau. B. doi mot song song.

C. dong quy. D. doi mot song song hodc dong quy.
LS giai.
Néu ba mit phang doi mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén ay hoic dong quy hoic
do6i mot song song.
Chon dap an @ ([

Cau 89. Trong cdc ménh dé sau, ménh dé nao ding?

A. Hai mat phing khong cit nhau thi song song.

B. Hai mit phing cling song song v6i mot duong théng thi cit nhau.

C. Qua mot diém nim ngoai mot miit phang cho trude c¢6 duy nhat mot mit phang song song véi mat

phéng dé.

D. Qua mot diém ndm ngoai mot mat phéng cho trude cé vo sé6 mat phing song song véi miit phang doé.
#Loi giai.
Trong khong gian, hai mit phing c6 3 vi tri tuong déi: triing nhau, cit nhau, a
song song véi nhau. Vi vay, 2 mat phang khong cit nhau thi c6 thé song song
hodc tring nhau = A 13 ménh dé sai.
Hai mit phing ciing song song véi mot dudng thing thi ching c6 thé song
song v6i nhau (hinh vé) = B la ménh dé sai.

A
Ta c6: a || (P),a | (Q) nhung (P) v& (Q) van c6 thé song song v6i nhau.
A

Meénh dé C la tinh chat nén C dung.

Chon dap an @ O

Cau 90. Trong cac diéu kien sau, diéu kién nao két luan mp (a) || mp (8)?
A. (a) || () va (B) [I (v) ((7) la mét phang nao do).
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B. () || a va («) || b v6i a,b 1 hai duong thing phan bigt thuoc (3).

C. (a) || a va (a) || b v6i a,b 1 hai dusng thing phan bigt ciing song song véi (3).
D. () || a va (a) || b v6i a,b 1 hai duong théng cit nhau thuoc(f).

#LS gii.

(@14

S e

Hinh 1. Hinh 2.

Trong trudng hop: (a) || () va (8) || () ((7) 1a mat phang ndo d6) thi (o) va (B) c6 thé trung nhau =
Loal A.

(a) || @ v& () || b v6i a, b 1a hai dudng thang phan biet thuoc (8) thi (a) va (8) vAn c6 thé cit nhau (hinh
1) = Loai B.

(a) || @ va (a) || b v6i a,b 1 hai dudng thang phan bigt ciing song song vdéi (3) thi (o) va (8) vAn c6 thé cit
nhau (hinh 2) = Loai C.

Chon dap an @ O

Cau 91. Trong cac ménh dé sau, ménh dé ndo ding?
A. Néu hai mat phang («) va (8) song song v6i nhau thi moi dudng thang ndm trong (a) déu song song
véi (B).
B. Néu hai mat phing (a) va (8) song song v6i nhau thi bat ki dudng thing nio ndm trong () ciing
song song véi bat ki dudng thang nao nim trong (3).
C. Néu hai dudng thang phan biét a va b song song lan lugt nim trong hai mat phing (o) va () phan
biet thi a || (8).
D. Néu dudng thang d song song v6i mp («) thi né song song véi moi dudng thang nim trong mp ().
L1 giai.

A/“ < d
/ﬁ<\ v

Hinh 1. Hinh 2. Hinh 3.

Néu hai mit phing («) va (3) song song v6i nhau thi hai dudng thing bat ki 1an lugt thuoe (o) va (B) c6
thé chéo nhau (Hinh 1) = Loai B. Néu hai dutng thang phan biét a v& b song song lan lugt nim trong hai
mit phang (a) v (8) phan bigt thi hai mit phang («) va (8) c¢6 thé cit nhau (Hinh 2) = Loai C. Néu
dudng thing d song song véi mp (a) thi né cé thé chéo nhau véi mot duong thang nio dé nim trong ().
(Hinh 3).

Chon dap én (A) O
Cau 92. Cho hai mit phéng song song () va (8), dudng thang a || (o). C6 méy vi trf tuong déi clia a va
(8)?

A. 1. B. 2. C. 3. D. 4.

LS giai.

Trong khong gian, giita dudng thing vi mat phing c6 3 vi tri tuong déi: dudng thing cit mit phang, dudng
thing song song v6i mat phing, dudng thing ndm trén mait phéng. a || (o) ma (a) || (8) = a v (a) khong
thé cat nhau. Vay con 2 vi tri tuong doi.
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Chon dap an O

Cau 93. Cho hai mit phang song song (P) va (Q). Hai diém M, N lan lugt thay doi trén (P) va (Q). Goi
I 1a trung diém ctia M N. Chon khang dinh ding.
A. Tap hgp cac diém I la duong thang song song va cach déu (P) va (Q).
B. Tap hgp cac diém I 1a mit phing song song va cich déu (P) va (Q).
C. Tap hgp cac diem I 13 mot mat phang cat (P).
D. Tap hop cac diém I 1a mot duong thang cat (P).
#Lo1 giai.
Ta c6: I 1a trung diém ctia M N = Khoang cach tit I dén (P) bing khoang
cach tit I dén (Q) = Tap hop cic diém I 1a mat phing song song va cach
déu (P) va (Q). '

Chon dap an O

Cau 94. Trong cac diéu kién sau, diéu kién nao két luan duong thang a song song v6i mit phang (P)?
A . al|bvabcC (P). B. albvabl| (P).
C all (Qw (@] (P). D. aC(Q) vabC (P).
HLOT giai.
Ta cé:a || bvabC (P)suyraal| (P)hoica C (P) = Loai A. a || bva b | (P) suy ra a || (P) hodc
a C (P)= Loai B. a | (Q) va (Q) || (P) suy ra a || (P) hoac a C (P) = Loai C.
Chon dap an (D) O

Cau 95. Trong cac ménh dé sau, ménh dé ndo ding?
A. Néu (a) || (B) vaa C (o), bC (B) thia || b.
B. Néu (a) || (8) vaa C (a), b C (8) thi a va b chéo nhau.
C. Néua|bvaacC (a), bC(B) thi ()| (B).
D. Néu () N () = a, ()N (B) =bva (a) | (B) thia | b.
£LoE giai.

Néu () || (B) vaa C (), b C (B) thi a || b hodc a chéo b = A, Bsai. Neua || bvaa C (a), b C (B) thi
() || (B) hodc (a) va (B) cat nhau theo giao tuyén song song véi a va b.
Chon dap an @ ([
Cau 96. Cho duong thiang a C (P) va dudng thang b C (Q). Ménh dé nio sau day ding?

A (P)(@=alb B.alb=(P) (@)

C.(P)(Q)=al| (Q)vabl| (P). D. a va b chéo nhau.

HLS giad.

V6i dudng thang a C (P) va dudng thing b C (Q).

Khi (P) || (Q) = a || b hoac a, b chéo nhau = A sai.

Khia || b= (P) || (Q) hoac (P),(Q) cit nhau theo giao tuyén song song véi a va b = B sai.

a va b c6 thé chéo nhau, song song hodc cit nhau = D sai.

Chon dap an @ (Il

Cau 97. Hai dudng thang a va b nidm trong mp (o). Hai duong thang o’ va b’ nam trong mp (8) . Ménh dé
nao sau day dang?

A. Néual d vab| b thi ()] (B). B. Néu (a) || (B) thia | o vab| V.

C. Néua || bvad || b thi (a) | (B). D. Néuacatbvaal d, b| ¥ thi («) | (8).
AL giai.
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/ - .
Zea A

Hinh 1. Hinh 2.

Néua || a’ va b | b thi (a) | (8) hodc («) cat (8) (Hinh 1) = A sai. Néu («) || (8) thi a || ¢ hodic a,d’ chéo
nhau (Hinh 2) = B sai.

Néua || bvad || b thi (a) || (8) hodc () c&t CC’. (Hinh 1) = C sai.

Chon dap an @ O

Cau 98. Cho hai mit phang (P) va (Q) cit nhau theo giao tuyén A. Hai dudng thang p va ¢ 1an lugt ndm
trong (P) va (Q). Trong cac meénh dé sau, ménh dé nao ding?
A. p va ¢ cat nhau. B. p va ¢ chéo nhau.
C. p va ¢ song song. D. C& ba ménh dé trén deéu sai.
#L31 giai.
Ta c6 p va ¢ c¢6 thé cit nhau, song song, chéo nhau (hinh vé).

Chon dap an @ O

Cau 99. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N, I theo tha ty la
trung diém ctia SA, SD va AB. Khing dinh nao sau day ding?

A. (NOM) cit (OPM). B. (MON) || (SBC)
C. (PON)N(MNP)=NP. D. (NMP) | (SBD).
“Loi giai.
Ta ¢c6 M N la dudng trung binh cia tam giac SAD suy ra MN || AD S

(1).

Va OP la duong trung binh ctia tam giac BAD suy ra OP || AD (2).
Tit (1), (2) suy ra MN || OP || AD = M, N, O, P dong phéng.

Lai c6 MP || SB,OP || BC suy ra (MNOP) || (SBC) hay (MON) ||
(SBC).

Chon dap an O

Cau 100. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Tam giac SBD déu. Mot mit
phing (P) song song véi (SBD) va qua diém I thuoc canh AC (khong tring véi A hoac C). Thiét dien ciia
(P) va hinh chép la hinh gi?

A. Hinh hinh hanh. B. Tam giac can. C. Tam giic vuodng. D. Tam giic déu.
#LSi giai.
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Goi MN la doan thing giao tuyén ctia mat phang (P) va miat day
(ABCD). Vi (P) || (SBD),(P)n (ABCD) = MN va (SBD) N
(ABCD) = MN suy ra MN || BD.

Lap luan tuong tuy, ta cé

(P) cat mat (SAD) theo doan giao tuyén NP véi NP || SD.

(P) c&t mat (SAB) theo doan giao tuyén M P véi MP || SB.

Vay tam giac M N P dong dang v6i tam giac SBD nén thiét dién ctia
(P) va hinh chép S.ABCD la tam giac déu M N P.

Chon dap an @ O

Cau 101. Trong cic ménh dé sau, ménh dé nao sai?

A. Hinh lang tru c¢6 cac canh bén song song va bang nhau.

B. Hai mit day ctia hinh lang tru ndm trén hai mat phang song song.

C. Hai day ciia lang tru 1a hai da giac déu.

D. Céac mit bén cta lang tru la cac hinh binh hanh.
“Loi giai.
Xét hinh lang tru c6 day 1a mot da gidc (tam giac, tit giac, ... ), ta thay rang hinh ling tru ludn c6 cac canh
bén song song va bang nhau. Hai mit day clia hinh lang tru nim trén hai mit phing song song. Hai day
clia lang tru 1a hai da gidc bang nhau (tam giac, t@ giac, ...). Cdc mat bén ctia lang tru la cdc hinh binh
hanh vi ¢6 hai canh 1a hai canh bén ctia hinh ling try, hai canh con lai thudc hai day song song.
Chon dap an @ O

Cau 102. Trong cic ménh déu sau, ménh dé ndo sai?

A. Cac canh bén ctia hinh lang tru bang nhau va song song véi nhau.

B. Cac mit bén ctia hinh ling tru 1& cac hinh binh hanh.

C. Céac mit bén ctia hinh ling try 13 cac hinh binh hanh bing nhau.

D. Hai ddy ctia hinh lang tru 1a hai da gidc bang nhau.
“Loi giai.
Cac mat bén ctia hinh ling tru & cac hinh hinh hanh, ching bang nhau néu hinh lang tru c6 day la tam
giac déu.
Chon dap an @ O
Cau 103. Trong cac ménh déu sau, ménh dé nao dung?

A. Céc canh bén ctia hinh chép cut déi mot song song.

B. Cac canh bén ctia hinh chép cut la cac hinh thang.

C. Hai day ctia hinh chép cut 1a hai da gidc dong dang.

D. C4& 3 ménh dé trén deéu sai.
#Loi giai.
Xét hinh chép cut c6 ddy 1a da gidc (tam gidc, ti gidc, ...) ta thay ring: Cac canh bén ctia hinh chép cut
doi mot cat nhau. Cac mat bén ciia hinh chép cut 1a cac hinh thang can. Hai ddy ctia hinh chép cut 1a hai
da giac dong dang.
Chon dap an @ O

Cau 104. Trong cic ménh déu sau, ménh dé nao sai?
A. Trong hinh chép cut thi hai day 1& hai da giac c6 cac canh tuong ing song song va cac ti so cac cap
canh tuong ting bang nhau.
B. Cac mit bén ctia hinh chép cut 1a cac hinh thang.
C. Cac mit bén cia hinh chép cut 1a cac hinh thang can.
D. Duong thang chita cic canh bén ciia hinh chép cut dong quy tai mot diém.
“LoT giad.
Véi hinh chép cut, cac mét bén ciia hinh chép cut 1a cac hinh thang.
Chon dap an @ ([l

Cau 105. Cho hinh ling tru ABC.A’B'C’. Goi M, N lan luct 1a trung diém ctia BB’ va CC’. Goi A 1a
giao tuyén ctia hai mat phang (AMN) va (A’B'C’) . Khing dinh nao sau day ding?
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A. A AB. B. A AC. C. A || BC. D. A || AA.
“Loi giai.
MN C (AMN)
Ta c6 ¢ B'C' C (A'B’C") — A la giao tuyén ctia hai mit phéng A o
MN || B'C’
(AMN) va (A'B'C") sé song song v6i M N va B'C’. Suy ra A || BC.

Chon dap an @ O

Cau 106. Cho hinh lang tru ABC.A’B'C’. Goi H la trung diém ctia A’B’. Mit phang (AHC') song song
v6i dudng thing nao sau day?

A. CB. B. BB C. BC. D. BA'.
LS giai.
Goi M la trung diém ctia AB suy ra MB' | AH = MB' || (AHC").
(1)
Vi M H la dudng trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va bang BB’ néen M H song song va bang CC’
— MHC'C 1a hinh hinh hanh = MC || HC' = MC || (AHC'). (2)
Tu (1) va (2), suy ra (B'MC) || (AHC") = B'C || (AHC").

Chon dap an @ O

Cau 107. Cho hinh ling tru ABC.AB;Cy. Trong cac khiang dinh sau, khing dinh nio sai?

A. (ABC) || (A1 B1Ch). B. AA; || (BCCY).

C. AB H (AlBlCl). D. AAlBlB 14 hinh chuw Ilhat.
#Loi giai.
Vi mit bén AA; By B 13 hinh binh hanh, con né 14 hinh chit nhat néu ABC.A;B1C; 14 hinh lang tru ding.
Chon dap an @ ([

Cau 108. Cho hinh hop ABCD.A’B'C'D'. Khéng dinh nao dudi day la sai?

A. ABCD la hinh binh hanh.
B. Céc dusng thing A'C, AC', DB’, D'B dong quy.
C. (ADD'A') || (BCC'B).
D. AD'CB la hinh chit nhat.
“Loi giai.
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Dita vao hinh vé va tinh chat cia hinh hop chit nhat, ta thay
rang:

— Hinh hop ¢6 day ABCD 1a hinh binh hanh.

— Cac duong thang A’C, AC’, DB’, D'B cat nhau tai tam
cua AA'C'C,BDD'B'.

— Hai miat ben (ADD'A’), (BCC'B’) dbi dién va song song
v6i nhau.

— AD' va CB 1 hai dudng thang chéo nhau suy ra AD'CB
khong phai 1a hinh chit nhat.
Chon dap an (D) O

Cau 109. Cho hinh hop ABCD.A'B'C'D’ ¢6 cac canh ben AA’, BB',CC’', DD'. Khang dinh nao duéi day
sai?
A. (AAB'B) || (DD'C'C). B. (BA'D') || (ADC").
C. A’B’CD la hinh binh hanh. D. BB'D’'D la mot tit giac.
£L3H gidi.
Dira vao hinh vé dudi va tinh chat ctia hinh hop, ta thay rang:

— Hai mat ben (AA’B’'B) va (DD'C’'C) déi dién, song song
v4i nhau.

— Hinh hop ¢6 hai day (ABCD),(A’B'C'D’) 1a hinh binh
hanh = A’'B’ = CD va A’B’' | CD suy ra A’/B'CD la
hinh hinh hanh.

— BD || B'D’' suy ra B,B’, D', D dong phing = BB'D'D
la tit giac.

— Mat phang (BA’D’) chita duong thang CD' ma CD’ cit
C'D suy ra (BA'D') khong song song v6i mit phang
(ADC").

Chon dap an O

Cau 110. Néu thiét dien ctia mot lang tru tam giac va mot mat phing 1d mot da gidc thi da giac do6 co
nhiéu nhat may canh?

A. 3 canh. B. 4 canh. C. 5 canh. D. 6 canh.
“Loi giad.
Da giac thiét dién ctia mot lang tru tam giac vA mot mit phing cé nhidu nhat 5 canh véi cac canh thudc
cadc méat cua hinh ling tru tam giac.
Chon dap an @ O

Cau 111. Néu thiét dien ctia mot hinh hop vd mot mat phéng 1a mot da giac thi da gide d6 c6 nhiéu nhét
may canh?

A. 4 canh. B. 5 canh. C. 6 canh. D. 7 canh.
4L giai.
Vi hinh hop la hinh lang tru c6 day 1a t& gide vi c6 6 mit nén thiét dién ctia hinh hop va mit phang bat
ki 1a mot da gidc c6 nhiéu nhat 6 canh.
Chon dap an @ ([

Cau 112. Cho hinh hop ABCD.A'B'C'D’. Goi I 1a trung diém ctia AB. Mat phéng (IB’D’) cat hinh hop
theo thiét dién 1a hinh gi?

A. Tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh ch@ nhat.
#L3H giai.
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B'D' c (IB'D')
Ta ¢6 ¢ BD C (ABCD) — Giao tuyén cta (IB'D’) v6i (ABCD)
B'D"|| BD
la dudng thing d di qua I va song song véi BD. Trong mit phing
(ABCD), goi M =dNAD — IM || BD | B'D’. Khi d6 thiét dien
1 t@ gidc IM B'D’ va tit giac nay 1a hinh thang.

Chon dap an O

Cau 113. Cho hinh hop ABCD.A'B'C'D’. Goi (a) 1a mit phing di qua mot canh ctia hinh hop va cat
hinh hop theo thiét dién la mot t giac 7. Khing dinh nao sau day ding?

A. T 1a hinh ch nhat. B. T 1a hinh binh hanh.
C. T la hinh thoi. D. T la hinh vudng.
HLSI giai.
Gi& sit mat phing (a) di qua canh AB va cit hinh hop theo ti
giac T. Goi d la dudng thang giao tuyén ciia (o) vd mit phing
(A'B'C'D’). Ta ching minh dugec AB || d suy ra ti gidc T 1a mot
hinh binh hanh.

Chon dap an 0

Cau 114. Cho hinh chép cut tam giac ABC.A’B'C’" ¢6 2 day la 2 tam giac vuong tai A va A’ va ¢6
AB 1 SaABc

1 1
A - B. -. C. 2. D. 4.
2 4

&L gia.

Hinh chép cut ABC.A’B'C’ ¢6 hai mit day la hai miit phéng song song A o
5 S
nén tam gidgc ABC dong dang tam gidc A’B'C’ suy ra —=25C — V
SAA/B/C/

1
5 AB-AC up  ac 1

1 A'BT ACT 4

S AR Al

5 A'B - AC A (04
B/

Chon dap an O

Cau 115. Cho hinh chép S.ABC ¢6 day la tam giac ABC théa man AB = AC = 4,54\0 = 30°. Mat
phéng (P) song song véi (ABC) cat doan SA tai M sao cho SM = 2M A. Dién tich thiét dién ctia (P) va
hinh chép S.ABC bang bao nhiéu?
16 B 1 c. 2 D. 1.

9 9 9
#LSi giai.

A.
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1 — 1
Ta ¢6 Saapc = i-AB-AC-sinBAC: 5-4-4-s,in300 = 4. Goi g

N, P lan lugt 1a giao diém ctia mat phang (P) va cac canh SB,SC. Vi
SM SN SP 2
P ABC) nén th dinh 1i Talet, ta ¢c6 — = — = — = —.
(P) | ( ?nen eoo din 1ae,a/coSA B SC = 3
Khi d6 (P) cit hinh chép S.ABC theo thiét dien 1a tam giac MNP déng Y N
. 2
dang véi tam gidc ABC theo ti s k = —.
2 16 A C

2
Vay Samnp = k* - Saapc = <3> 4= 9

Chon dap an @ O

Cau 116. Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang can v6i canh bén BC = 2, hai day
AB = 6,CD = 4. Mat phing (P) song song véi (ABCD) va cit canh SA tai M sao cho SA = 3SM. Dién
tich thiét dien ctia (P) va hinh chép S.ABCD béng bao nhiéu?

A DY3 B, 2Y3, c. 2. p. TV3
9 3 9
“L3i giai.
D C
A H K B

Goi H, K lan lugt 1a hinh chiéu vuong géc ctia D, C trén AB.

AH =BK;CD=HK
ABCD la hinh thang can = = BK =1.
AH + HK + BK = AB

Tam gidac BCK vuong tai K, c6 CK = v/BC? — BK2 = /22 — 12 = /3. Suy ra dién tich hinh thang

AB +CD 1
ABCD 1a Supep = CI - AB+CEP _ g 446 _ o

2 2
Goi N, P,Q lan lugt 13 giao diém ctia P va cac canh SB, SC,SD. Vi (P) || (ABCD) nén theo dinh 1i Talet,
g MN NP PQ _ QM _1
a co = = = —_——
AB BC CD AD 3
. P 9V 3
Khi d6 (P) cat hinh chép theo thiet dien M N PQ c6 dién tich Synpg = k? - Sapcp = \9[

Chon dap an @ ([

Cau 117. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh ¢6 tam O, AB =8, SA =SB = 6.
Goi (P) 1a mat phang qua O va song song v6i (SAB). Thiét dién ctia (P) va hinh chép S.ABCD cé dién
tich bang

A. 5V5. B. 6/5. C. 12. D. 13.

L1 giai.
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Qua O ké duong théng d song song AB va cit BC, AD lan luct tai
P,Q. Ké PN song song véi SB(N € SB), ké QM song song véi
SA(M € SA). Khi d6 (MNPQ) || (SAB) = thiét dien cta (P)
va hinh chép S.ABCD la ti giac M N PQ.

Vi P,Q la trung diém ctia BC,AD suy ra N,M lan lugt la
trung diém ctia SC,SD. Do d6 MN la duong trung binh tam

giéeSCD:MN:CTD_ATB:ALVaNP:STB:3;
A
QM:%:3¢NP:QM:>MNPQ 1& hinh thang can.

1
Ha NH, MK vubdng gbéc v6i PQ. Tacé PH = KQ = PH = E(PQ—MN) =2.
Tam gidc PHN vuong, c6 NH = /5.

P NM
Vay dién tich hinh thang MNPQ la Syynpg = NH - L =

5 6v/5.
Chon dap an O

Cau 118. Cho hinh ling tru ABC.A’B'C’. Goi H la trung diém ctia A’B’. Pudng théing B’'C song song
v6i mat phang nao sau day?

A. (AHC'). B. (AA'H). C. (HAB). D. (HA'C).
#LS gii.
Goi M la trung diém ctia AB suy ra MB' || AH
= MB'|| (AHC"). (1)
Vi M H la dudng trung binh ctia hinh binh hanh ABB’A’ suy ra M H
song song va biang BB’ nén M H song song va bang C'C’
— MHC'C 1a hinh hinh hanh = MC || HC! = MC || (AHC"). (2)
T (1) va (2), suy ra (B'MC) | (AHC') = B'C || (AHC").

Chon dap an @ O

Cau 119. Tim ménh dé ding trong cac ménh dé sau.
A. Néu hai mat phing () va(3) song song véi nhau thi moi duong thing nim trong (o) déu song song
véi ().
B. Néu hai mat phang («) va (8) song song v6i nhau thi moi dudng thang ndm trong (a) déu song song
v6i moi duong thing nim trong ().
C. Néu hai dudng théng song song v6i nhau lan lugt nim trong hai mit phdng phan biét («) va(B) thi
(o) va (B) song song véi nhau.
D. Qua mot diém nim ngoai mat phing cho trude ta vé duge mot va chi mot duong thing song song véi
mat phang cho trude do.
#L3i giai.
Dap an B, C sai. Hai dudng théng lan lugt ndm trén hai mit phing song song v6i nhau thi cé thé chéo
nhau.
Dap an D sai vi qua mot diém nim ngoai mat phang cho trude ta vé duge vo sé6 duong thang song song véi
mit phing cho trude do.
Chon dap an @ O

Cau 120. Cho tt dien ABCD. Goi M, N, P,Q, R, S lan lugt 1 trung diém cac canh AC, BD, AB, CD,
AD, BC. Bén diém nao sau day khong dong phang?

A. P,Q,R,S. B. M,P,R,S. C. M,R,S,N. D. M,N,P,Q.
#LSi giai.
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Dé thay (MPR) || (BCD), ma S € (BCD) & S ¢ (MPR). "
Vay M, P, R, S khong dong phéng.

P R
B D
Q
C

Chon dap an @ ([
Cau 121. Trong cidc ménh dé sau day, ménh dé nao dang?

A. Néu (a) || (B) vaa C (a),bC (B) thia | . B. Néua | (o) vab| (8) thia | b.

C. Néu (a) || (B) vaa C () thia || (B). D. Néual|bvaacC (a),bC (8)thi (o) | (B).

Cau 122. Trong khong gian, cho hai mat phidng phan bigt (a) va (3). C6 bao nhiéu vi tri tuong doéi giita
(a) va (8)?

A 1. B. 2. C. 3. D. 4.
LS giad.
Trong khong gian hai mit phang phan biét (a) va (8) ¢6 hai vi tri tuong doi 1a: cit nhau hay song song.
Chon dap an @ O

Cau 123. Cho t dien déu SABC. Goi I la trung diém ctia doan AB, M la diém di dong trén doan AI.
Qua M vé mit phiang () song song véi (SIC) . Thiét dién tao bdi (o) véi tit dien SABC 1a

A. Tam gidc can tai M. B. Tam giac déu. C. Hinh binh hanh. D. Hinh thoi.
“Loi giai.
MN || ST

Goi N, P lan lugt ndm trén cac canh SA, AC sao cho ) g
MP | IC

& (MPN) || (SIC) & (MNP) = (a).

Vay thiét dien 13 tam giac M NP.

Tit dien SABC déu nén tam gidc SIC can tai I.

AM MP ~MN N
Ngoai 5 = = MN = MP.
goal ra ta co AT P MP<:>
Suy ra tam giac MNP can tai M. C

A
M
1
B

Chon dap an (A) O

Cau 124. Cho tit dien déu SABC canh bing a. Goi I 1a trung diém ctia doan AB, M 13 diém di dong trén
doan AI. Qua M vé mat phang () song song véi (SIC) . Tinh chu vi ctia thiét dién tao bdi () v6i tit dien
SABC, biét AM = .

Az (1 + \/?:) B. 2z (1 + \/3) C. 3x (1 + \/3) D. Khong tinh dugc.

L1 giai.
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) . . AM
be y hai tam gidc MNP va SIC dong dang véi ti so YT g
2 C 2 2
= MNP~ 2 o Cuwp = —(SI+IC+SC) =
a Csic a a
2¢ (av/3 aV3
C
A
M
I
B
Chon dap én O

Cau 125. Cho hinh binh hanh ABCD. Goi Bz, Cy, Dz la cic dudng thing song song v6i nhau lan lugt di
qua B, C, D va nidm vé mot phia ciia mat phing (ABCD) dong thoi khong ndm trong mit phang (ABCD) .
Mot mat phang di qua A cit Bz, Cy, Dz lan lugt tai B',C’, D’ véi BB’ = 2,DD’ = 4. Khi dé do dai CC’
bang bao nhiéu?

A. 3. B. 4. C. 5. D. 6.
A Loi giad.
Goi O 1 tam ctia hinh binh hanh ABCD. Dung dudng thing qua o

O song song BB’ va cat B'D’ tai O'.

Theo cach dung trén, ta c6 OO’ 1la dudng trung binh ctia hinh
BB + DD’

thang BB'D'D < OO0’ = + = 3.

Ngoai ra ta c6 OO’ 1a duong trung binh clia tam gidc ACC’

& CC' =200 = 6.

Dl

Chon dap an @ O

Cau 126. Cho hinh vuong ABCD va tam giac déu SAB nidm trong hai mit phing khac nhau. Goi M la
diém di dong trén doan AB. Qua M vé mit phing () song song v6i (SBC). Thiét dién tao bdi () va hinh
chop S.ABCD I hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh thang. D. Hinh vudng.
#L3i giai.
Lan lugt 1ay cac diém N, P,Q thuoc cac canh CD, SD,SA théa MN ||
BC,NP || SC,PQ || AD.
Suy ra (o) = (MNPQ) va («) || (SBC). Theo cach dung trén thi thiét
dién la hinh thang.

Chon dap an @ ([

Cau 127. Cho hinh vuong ABCD va tam giac déu SAB niam trong hai mat phiang khac nhau. Goi M 1a
diém di dong trén doan AB. Qua M vé mit phang (a) song song véi (SBC). Goi N, P, Q lan lugt 1 giao
cia mit phang (a) véi cadc dudng thing CD,SD, SA. Tap hop cac giao diém I ciia hai duong thang MQ
va NP la
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A. Duong thang song song v6i AB. B. Nita dudng théng.

C. Doan thing song song véi AB. D. Tap hop rong.
#Loi giai.
Lan lugt 1ay cac diém N, P, Q thudc cac canh CD, SD, SA thoa T
MN || BC,NP || SC,PQ || AD. Suy ra (a) = (MNPQ) va
(@) || (SBO).

. 1,5 € (SCD) o
Vil=MQ@NNP < < I nam trén dudng

{I,SG(SAB)

thang 1 giao tuyén ciia hai mat phang (SAB) va (SCD).

[ M=B=1=S5 e .
Khi v6i T la diém théa man ti giac ABST

{M =A=1=T

1 hinh binh hanh.
Vay quy tich can tim 13 doan thing song song véi AB.
Chon dap én@ O
DAP AN
1. C ][22 DJ[3. A4 B]l5. B]ll6. DJlz. D|[8. C|l9. D |[10. D |
[11. B J[12. D ][13. A J[14. A |[15. B |[16. C Jl17. ¢ |[18. C |[19. C |[20. C |
[21. A |[22. A ][23. D |[24. D |[25. B |[26. C ][27. C |[28. B |[29. B |[30. B |
[31. A ][32. D ][33. B |[34. B |[35. C |[36. B ||37. D |[38. B |[39. C |[40. D |
[41. A ][42. A ][43. D |[44. C ||45. C ||46. A ||47. A |[48. B |[49. B |[50. C |
[51. A |[52. D |[53. C |[54. C |[55. C ||56. B |[57. C |[58. B |[59. B |[60. B |
61. D |[62. A ||63. A |[64. B ||65. D ||66. B |[67. A |[68. B ||69. B |[70. A
71. D |[72. A ||73. D |[74. B |[75. B ||76. C |[77. B ||78. D ||[79. B |[80. C
181. C |[82. A |[83. B |[s4. B |[85. C |[86. C |[87. B |[88. D |[89. C |[[90. D |
9. A ][92. B ][93. B |94 D ||95. D |[96. C ||97. D |[98. D |[99. B |[100. D |
101. C |[102. € [[103. C |[104. C ||105. C |[106. A |[107. D |[108. D |[109. B |[110. C
111. C |[112. B |[113. B |[114. B ||[115. A [[116. A |[117. B |[118. A |[119. A |[120. B
[121. C ][122. B ][123. A |[124. B |[125. D |[126. C |[127. C |
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sAl5.  PHEP CHIEU SONG SONG - HINH BIEU DIEN
CUA MOT HINH KHONG GIAN

@ TOMTAT LY THUYET

4 N
Khai niém.
Cho mat phing (a) va dudng thing A cit ().
V6i mbi diém M trong khong gian, dudong théng di qua M \ \M
va song song hoic tring véi A cit (o) tai diem M’ xac dinh.

Diém M’ dugc goi 1a hinh chiéu song song ctia diém M trén \M’
mat phang (a) theo phuong A.

Mit phéng («) goi 1a mdt phing chiéu, phuong A duge goi o

13 phuong chiéu. \ \

Phép dit tuong ting mdi diém M trong khong gian véi hinh chiéu song song M’ ctia né trén (a) theo
phuong A dugce goi 1a phép chiéu song song lén (o) theo phuong A.

/\ Chi g: Néu mot duong thiang cé phuong tring vdi phuong chiéu thi hinh chiéu song song ciia né
len mdt phdang chiéu la mot diém (trung vdi giao diém cia duong thang va mdt phang chiéu).

Tinh chat 1. Phép chiéu song song:
(1) Bao toan su thang hang va thit tu cac diém.
(2) Bién duong thing thanh dudng thing, bién tia thanh tia, bién doan thing thanh doan théng.
(3) Bién hai duong thing song song thanh hai duong thing song song hodc triing nhau.

(4) Phép chiéu song song khong lam thay doi ti s6 do dai clia hai doan thing nim trén hai dudng
thing song song hodic cling nim trén mot duong thang.

Tinh chat 2. Hinh biéu dién ctia mot hinh khong gian trén mat phéng:

(1) Hinh biéu dién ctia mot hinh trong khong gian 1 hinh chiéu song song ctia hinh dé len mat
phang hoic dong dang véi hinh chiéu dé.

(2) Hinh biéu dién ciia tam giac can, tam giadc vuong, tam giac déu thudng 1a mot tam gisc bat ky.

(3) Hinh biéu dién ctia hinh binh hanh, hinh thoi, hinh chit nhat, hinh vuéng thudng 1a hinh binh
hanh.

(4) Hinh biéu dién clia hinh thang 13 mot hinh thang.
(5) Hinh biéu dién ctia hinh tron 13 hinh elip hay hinh tron.

/\ Chi j: Khi vé hinh biéu dién ciia hinh khong gian trén mdt phdng can bdo toan tinh song song,
thing hang va ti s6 hai doan thdang ndm trén hai duong thdang song song hodc trén cing mot duong
thing.

(® CAC ViDU MINH HOA

Vi du 1. Cho hinh ling try ABC.A’B'C’. Goi G la trong tam cilia tam gidc ABC. Qua phép chiéu
song song phuong AA’ mat phang chiéu la (A’B’C’) bién G thanh G’. Chitng minh G’ 14 trong tam
ctia tam giac A’B'C’.

&La1 giai.
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Goi M la trung diém ciia AB.

Do ABC.A’B’C’ 1a hinh lang tru.

Suy ra qua phép chiéu song song phuong AA’ bién B thanh B’, bién
M thanh M’.

Theo dau bai G 1a trong tam tam gidc ABC. Suy ra B, M, G thing

Cl

L3 . BG 2
a = —.
"EYE B T 3 e
Ta c6 B/, M/, G, thEZLng hang va W = g

Mat khac M la trung diém ctia AC, suy ra M’ la trung diém cta C’.
Suy ra G’ 1a trong tam cta tam giac A’B'C’.

(® BAITAP TU REN LUYEN

Bai 1. Hinh chiéu song song ciia hai dudng thang chéo nhau c6 thé song song véi nhau khong? Hinh chiéu
song song ctia hai dudng thang cit nhau c6 thé song song véi nhau hay khong?

&L giai.

Hinh chiéu song song ctia hai dudng thing chéo nhau cé thé song song véi nhau.
Hinh chiéu ctia hai duong thang cit nhau thi khong thé song song véi nhau. O

Bai 2. Cho hinh chép S.ABCD déy 1a hinh binh hanh, O la tam ctia day. Trén canh SB, SD lan lugt 1ay
. 1 . .
diem M, N sao cho SM =2MB, SN = §SD' Hinh chieu cia M, N qua phép chiéu song song phuong SO

8 . . ., OP
mit phang chiéu (ABCD) lan lugt la P, . Tinh ti s6 00"
LS giai.

Do P 1a hinh chiéu song song ctia M qua phép chiéu song song phuong

BM  BP
SO:BS:BO.BP 1 OP 2
MaSM—QMBéBO_BéOBl_?).
Ching minh tuong tuO,;a c()lOD =3
Ta ¢6 BO = DO = 00 =5

Bai 3. Cho hinh chép S.ABCD, day 1a hinh binh hanh. Goi O 1a tam ctia day, lay M, N lan lugt 14 anh
ctia diém A, D qua phép chiéu song song phuong SO trén mit phing (SBC). Khi d6 ti gidc BOCNM la
hinh gi? Hinh chép S.ABCD thém diéu kién gi dé tit giac BCNM 1a hinh vuong?

L1 giai.
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Theo bai ra M, N lan lugt 1a 4nh ctia diém A, D qua phép chiéu song M
song phuong SO trén mat phing (SBC). Ta c¢6 SO | AM,SO || DN
va O la trung diém ctia AC.

Suy ra SO la dudng trung binh ctia cac tam giac CAM, BDN.

Néen AM || DN va AM = DN = ADNM la hinh binh hanh = MN ||
BC va MN = BC = BCNM la hinh binh hanh.

Dé BCNM 1a hinh vuodng thi BN = CM va BN L CM suy ra hinh
chop S.ABCD c6 mit bén SBC' la tam giac vudng can tai S

Bai 4. Cho hinh hop ABCD.A'B'C'D’, tim anh cia diém A, B'.
(1) Qua phép chiéu song song phuong C'D mit phing chiéu (BCC'B').
(2) Qua phép chiéu song song phuong C' D’ mit phang chiéu (ABB'A’).

Lo giai.

(@ Ta c6 AB || CD nén anh ciia diém A qua phép chiéu song song
phuong C'D lén mat phang (BCC'B’) 1a diém B. Mt khac diém
B’ € (BCC'B’) nén anh ctia B’ qua qua phép chiéu song song
phuong CD lén mat phang (BCC’'B’) 1a diém B'.

(2 Do CD' | BA' = CD' || (ABB'A’). Nén phuong chiéu CD’
khong cit mit phang chiéu (ABB'A’). Vi vay ta khong xac dinh
dugce anh ctia A, B’ qua phép chiéu song song phuong C D’ mit
phéng chiéu (ABB'A’).

(® BAITAP TRAC NGHIEM
Cau 1. Qua phép chiéu song song, tinh chat nao khong dugc bao toan?
A. Chéo nhau. B. Dong qui. C. Song song. D. Thing hang.
“Lo1 giad.
Do hai dudng thing qua phép chiéu song song anh ctia ching sé ciing thudoc mot mat phang. Suy ra tinh
chat chéo nhau khong duge bdo toan.
Chon dap an @ O

Cau 2. Trong cac ménh dé sau ménh dé nao sai?
A. Phép chiéu song song bién duong thang thanh duong thang, bién tia thanh tia, bién doan théng thanh
doan thing.
B. Phép chiéu song song bién hai duong thang song song thanh hai dudng thing song song.
C. Phép chiéu song song bién ba diém thing hang thanh ba diém thing hang va khong thay déi thit tu
ctia ba diém do.
D. Phép chiéu song song khong lam thay déi ti s6 do dai clia hai doan thing nim trén hai duong thang
song song hodc cling ndm trén mot dudng théng.
#L37 gidi.
Tinh chéat ctia phép chiéu song song: Phép chiéu song song bién hai dudng thing song song thanh hai duong
thing song song hoic trimg nhau.
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Suy ra ménh dé “Phép chiéu song song bién hai duong thang song song thanh hai dung thing song song ”
sai vi chung c6 thé triing nhau.

Chon dap an @ ([

Cau 3. Cho hinh lang try ABC.A’'B’'C’, qua phép chiéu song song phuong CC’, mat phang chiéu (A’'B’'C")
bién M thanh M’. Trong d6 M la trung diém ctia BC. Chon ménh dé dang?

A. M’ 1a trung diém cta A'B’. B. M’ la trung diém cta B'C".
C. M’ la trung diém ctia A'C". D. C4 ba dap 4n trén déu sai.
LS giai.
Ta c6 phép chiéu song song phuong CC’, bién C thanh C’, bién B thanh A c

B’. Do M la trung diém ctia BC suy ra M’ la trung diém ctia B'C’ vi
phép chiéu song song bao toan thit ti ciia ba diém thing hang va bio toan
ti s6 ctia hai doan thing nam trén ciing mot dudng thing hoac trén hai
dudng thing song song.

B
Chon dap an O

Cau 4. Cho hinh lang tru ABC.A'B'C’. Goi I, I’ 1an lugt la trung diém ctia AB, A’B’. Qua phép chiéu
song song phuong AI’, mat phang chiéu (A’B’C’) bién I thanh?

A. A B. B C. C". D. I.
LS giai.
Al|| B'T ,
Ta c6 ,., ¢ = AIB'I' 1a hinh binh hanh. A c
Al = B'IT Iz

Suy ra qua phép chiéu song song phuong AI’, mit phang chiéu (4’'B'C’)
bién diém I thanh diém B’

B

Chon dap an O
Cau 5. Cho tam gidc ABC & trong mit phang () v phuong [. Biét hinh chiéu (theo phuong [) ctia tam
gidac ABC lén mit phang (P) 1a mot doan théing. Khéng dinh nao sau day ding?

A. (a) | (P). B. (o) = (P).

C. (a) || I hoac (a) D I. D. Cé& ba dap an A, B, C déu sai.
HLOT giai.
Phuong an A: Hinh chiéu clia tam gidc ABC van la mot tam giac
trén mat phing ().
Phuong 4n B: Hinh chiéu cia tam gidc ABC van 1a tam gidc ABC.
Phuong an C: Khi phuong chiéu ! song song véi () hosic chita
trong mit phang (). Thi hinh chiéu ctia tam gidc ABC 1a mot
doan thing trén mat phang («).

Chon dap an @ O

Cau 6. Phép chiéu song song theo phuong | khong song song v6i a hodic b, mit phang chiéu 1a (P), hai
dudng thang a va b bién thanh o’ va b'. Quan hé ndo gita a va b khong duge bao toan trong phép chiéu

Th.s Nguyén Chin Em 208 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 2 - Hinh hoc 11

song song?
A. Cit nhau. B. Trung nhau. C. Song song. D. Chéo nhau.
£L3H gidi.
Do hai duong thing o’ va b’ cting thuoc mit phing chiéu (P). Suy ra tinh chat chéo nhau khong duge bao
toan.

Chon dap an @ O
Cau 7. Hinh chiéu ctia hinh chi nhat khong thé 1a hinh nao trong cac hinh sau?

A. Hinh thang c6 hai day khong biang nhau. B. Hinh binh hanh.

C. Hinh ch@ nhat. D. Hinh thoi.

£ giai.
Tinh chat ctia phép chiéu song song.
Chon dap an @ O

Cau 8. Khiang dinh nao sau day ding?
A. Hinh chiéu song song ctia mot hinh chép cut ¢6 thé 1a mot hinh tam giac.
B. Hinh chiéu song song ciia mot hinh chép cut ¢6 thé 1a mot doan thang.
C. Hinh chiéu song song ctia mot hinh chép cut c¢6 thé 1a mot hinh chép cut.
D. Hinh chiéu song song ctia mot hinh chép cut ¢6 thé 14 mot diém.
“Loi giai.
Qua phép chiéu song song chi c¢6 thé bién hinh chép cut thanh mot da gidc. Loai phuong &n - c6 thé 1la mot
doan thang, c6 thé 1a mot diém.
Anh ctia mot hinh qua phép chiéu song song khong thé 1a mot hinh da dién — loai phuong an c6 thé la mot
hinh chép cut.
Chon phuong &n - c¢6 thé la mot hinh tam giéc.
Chon dap an @ O

Cau 9. Trong cac ménh dé sau ménh dé nao sai?

A. Hinh chiéu song song ciia hai duong théng chéo nhau c6 thé song song véi nhau.

B. Mot duong thang c6 thé tring v6i hinh chiéu ciia né.

C. Hinh chiéu song song ciia hai dudng thang chéo nhau cé thé triing nhau.

D. Mot tam gidc bat ky déu c6 thé xem 1 hinh biéu dién ctia mot tam gisc can.
“Loi giai.
Néu hinh chiéu song song ciia hai duong thing 1a mot dudng thing thi hai dudng thing dé phai cling nim
trong mot mat phing song song hodc chita phuong chiéu. Mt khac hai dudng thing chéo nhau khong cling
nim trong bat ky mit phang nao. Do d6 ménh dé “Hinh chiéu song song ctia hai duong thing chéo nhau c6
thé triing nhau.” 1a sai.
Chon dap an @ O

Cau 10. Phép chiéu song song bién ba dudng thing song song thanh
A. Ba duong thing doi mot song song véi nhau. B. Mot duong thing.
C. Thanh hai dudng thing song song. D. Ca ba truong hop trén déu cé thé xay ra.
Lo giai.
Tinh chat phép chiéu song song.
Chon dap an @ O

Cau 11. Khing dinh nao sau day dang?
A. Hinh chiéu song song ctia hinh lap phuong ABCD.A' B'C’' D' theo phuong AA’ len mit phang (ABCD)
12 hinh binh hanh.
B. Hinh chiéu song song ctia hinh 1ap phuong ABCD.B'C’' D’ theo phuong AA’ 1én mat phing (ABCD)
14 hinh vudng.
C. Hinh chiéu song song ctia hinh lap phuong ABC'D.B'C’D’ theo phuong AA’ lén mat phang (ABCD)
l1a hinh thoi.
D. Hinh chiéu song song ctia hinh lap phuong ABCD.A’ B'C’ D' theo phuong AA’ lén mit phang (ABCD)
la mot tam giac.
HLSH giai.
phép chiéu song song phuong AA’ lén mit phing (ABCD) sé bién A’ thanh A, bién B’ thanh B, bién C’
thanh C, bién D’ thanh D. Nén hinh chiéu song song ctia hinh lap phuong ABCD.A’B’C’ D’ 14 hinh vuong.
Chon dap an O
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Cau 12. Hinh chiéu ctia hinh vuéng khong thé 1a hinh nao trong cac hinh sau?
A. Hinh vuong. B. Hinh binh hanh.
C. Hinh thang c6 hai canh ddy khong bang nhau. D. Hinh thoi.
#Loi giai.
Tinh chat ctia phép chiéu song song.
Chon dap an @ O

Cau 13. Trong cac ménh dé sau ménh dé nao sai?

A. Mot duong thing luon cit hinh chiéu ctia né.

B. Mot tam gidc bat ky dé c6 thé xem la hinh biéu dién ctia mot tam giac can.

C. Mot dudng thing c6 thé song song véi hinh chiéu ctia né.

D. Hinh chiéu song song ctia hai duong thang chéo nhau c6 thé song song vdi nhau.
#L31 giai.
Khi mat phing chiéu song song véi dudng thang da cho thi duong théing dé song song vé6i hinh chiéu ciia
no.
Chon dap an (A) O
Cau 14. Trong cic ménh dé sau ménh dé ndo sai?

A. Hinh chiéu song song ciia hai duong thing cit nhau cé thé song song véi nhau.

B. Mot tam giac bat ky dé c6 thé xem la hinh biéu dién ctia mot tam gidc vuong.

C. Mot dudng thang cé thé cat v6i hinh chiéu ciia né.

D. Hinh chiéu song song ciia hai dudng thang cit nhau c6 thé tring nhau.
L3 giai.
Hai duong thing cit nhau thi cling nim trong mot mat phing.
Khi mat phéng dé song song v6i phuong chiéu thi hinh chiéu clia ching tring nhau hoiic 13 mot diém nim
tréen mot dudng thang.
Khi mit phang dé khong song song v6i phuong chiéu thi hinh chiéu ciia chiing 1 hai duong thang cit nhau.
Chon dap an @ ([l

Cau 15. Néu duong thing a cit mit phang chiéu (P) tai diém A thi hinh chiéu song song ctia a trén mat
phéng (P) sé la:
A. Diém A. B. Trung vé6i phuong chiéu.
C. Duong thang di qua A. D. Duong thing di qua A hoic chinh A.
LS giai.
Néu phuong chiéu song song hoic triing v6i duong thing a thi hinh chiéu la diém A.
Néu phuong chiéu khong song song hoisic khong triing véi dudng théng a thi hinh chiéu la dudng thing di
qua diém A.
Chon dap an (D) O

Cau 16. Gia sit tam gidc ABC' la hinh biéu dién ctia mot tam giac déu. Hinh biéu dién ciia tam dudng
tron ngoai tiép tam giac deu la:

A. Giao diém ctia hai dudng trung tuyén ctia tam giac ABC.

B. Giao diém ctia hai dudng trung truc ctia tam gidc ABC.

C. Giao diém ctia hai duong dudng cao ciia tam gidc ABC.

D. Giao diém ctia hai dudng phan giac ciia tam gidc ABC.
HLS giad.
Tam ciia dudng tron ngoai tiép tam giac déu dong thai 1a trong tam tam gidc d6. Do tam gidc ABC' 14 hinh
biéu dién ctia tam giac déu, két hgp v6i tinh chat béo toan thi tu ciia ba diém thing hang va bao toan ti
s6 hai doan thdng nim trén hai dudng thing song song hodc nim trén cting mot dudng thing ta duge hinh
biéu dién ctia tam duong tron ngoai tiép tam giac déu la trong tam ciia tam giac ABC.
Chon dap an @ ([

Cau 17. Cho hinh chép S.ABCD c6 day la hinh binh hanh, M la trung diém ctia SC. Hinh chiéu song
song clia diem M theo phuong AB lén mat phang (SAD) la diém nao sau day?
A S. B. Trung diém ctia SD. C. A. D. D.
“Lo1 giai.
Gia st N la &nh ctia M theo phép chiéu song song phuong AB lén mat phang (SAD).
Suy ra MN | AB= MN || CD. Do M la trung diém ctia SC = N la trung diém ctia SD.
Chon dap an O
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Cau 18. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Hinh chiéu song song ctia diém A theo phuong
AB len mit phéng (SBC) la diém nao sau day?

A.S. B. Trung diém ctia BC. C. B. D. C.
“Lo1 giai.
Do ABN (SBC) = {B} suy ra hinh chiéu song song ctia diém A theo phuong AB lén mit phang (SBC) la
diém B.
Chon dap an @ ([

Cau 19. Tim ménh dé sai trong cac ménh dé sau?
A. Phép chiéu song song c6 thé bién duong thing thanh duong théng.
B. Phép chiéu song song c6 thé bién duong thing thanh doan thing.
C. Phép chiéu song song c6 thé bién duong thing thanh mot diém.
D. Phép chiéu song song c6 thé bién mot duong thang thanh chinh né.
£ giai.
Phép chiéu song song chi c6 thé bién duong thing thanh duong thing hoic thanh mot diém.

Chon dap an O

Cau 20. Tim ménh dé sai trong cac ménh dé sau?

A. Phép chiéu song song c6 thé bién mot tam gidc déu thanh mot tam giac bat ky.

B. Phép chiéu song song c6 thé bién mot tam giac vudng thanh mot tam giac bat ky.

C. Phép chiéu song song bién mot tam giac thanh mot tam giac.

D. Phép chiéu song song bién mot tam giac thanh mot tam gidc, thanh mot diém hodc mot doan thing.
LS giai,
Phép chiéu song song khong thé bién mot tam giac thanh mot diém vi khi d6 cac doan théng dé phai thing
hang va song song v6i phuong chiéu.
Chon dap an @ O

Cau 21. Tim meénh dé sai trong cac ménh dé sau?

A. Phép chiéu song song c6 thé bién mot ti dién thanh mot hinh binh hanh.

B. Phép chiéu song song c6 thé bién mot ti dién thanh mot hinh tam giéc.

C. Phép chiéu song song c6 thé bién mot ti dien thanh mot hinh vuong.

D. Phép chiéu song song c6 thé bién mot tit dien thainh mot duong thing.
LS giai.
Phép chiéu song song khong thé bién mot ti dien thanh mot dudng thing vi cac canh ti dién déu la doan
théng. N6 ciing khong thé bién ti dien thanh mot doan thing vi khi d6 céc canh clia ti dién phai cling
nim trong mot mit phing.
Chon déap én (D) O

Cau 22. Trong cac ménh dé sau, ménh dé ndo dang?
A. Phép chiéu song song c6 thé bién hinh binh hanh thanh mot hinh thang bat ky.
B. Phép chiéu song song c6 thé bién hinh thang bat ky thanh hinh binh hanh.
C. Phép chiéu song song c6 thé bién hinh binh hanh thanh ti giac bat ky.
D. Phép chiéu song song c6 thé bién hinh thoi thanh hinh binh hanh.
HLSH giai.
Tinh chat phép chiéu song song.
Chon dap an @ O

Cau 23. Gia sit ti gidc ABCD la hinh biéu dién ctia mot hinh vuong. Néu ABCD 13 mot hinh binh hanh,
thi dudng tron ngoai tiép hinh vuong cho trude duge biéu dién 1a hinh gi, ¢6 tinh chat nhu thé nao véi hinh
binh hanh ABCD:

A. La duong tron di qua cac dinh ctia hinh binh hanh ABCD.

B. La duong elip di qua cac dinh ctia hinh binh hanh ABCD.

C. La duong tron nhung khong di qua cac dinh ctia hinh binh hanh ABCD.

D. La duong elip nhung khong di qua cac dinh ctia hinh binh hanh ABCD.
“Lo1 gidd.
Hinh biéu dién ctia hinh vudéng thanh hinh binh hanh nén sé hinh biéu dién ctia duong tron ngoai tiép hinh
vuong dé 1a duong elip dong thaoi gitt nguyén mdi quan hé lién thuoc ctia dinh hinh vuong véi duong tron
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ngoai tiép nén hinh biéu dién ctia dudng tron ngoai tiép hinh vuong la dudng elip di qua céc dinh ctia hinh
binh hanh ABCD.
Chon dap an @ ([

Cau 24. Gia st tit gisc ABCD 1a hinh biéu dién ctia mot tt dien ABCD’. Néu ABCD 1a mot hinh vuong,
tim ménh dé ding trong cdc ménh dé sau.

A. ANABC la tam giac vudong can tai A. B. AABC la tam giac vuong can tai C.

C. AABC la tam gidc vuong can tai B. D. AABC la tam giac deu.
“Loi giai.
Do ABCD la hinh vudng nén tam giac ABC vudng can tai B. Hinh biéu dién ctia ti dien ABCD’ 1a ti
gidc ABCD nén hinh biéu dién ctia tam giac ABC' la tam giac ABC.
Chon dap an (C) 0

Cau 25. Cho hinh chép S.ABCD c6 déy 1a hinh binh hanh, trén canh SA lay diém M sao cho M A = 2M S.
Goi O la tam ctia day, qua phép chiéu song song phuong MO mat phang chiéu (ABCD) bién diém S thanh
didm N. Tiuh t9 . ON
iem N. Tin 0 —.
1 A 2 1 1
A —. B. -. C. -. D. -.
2 3 4 3
“Loi giad.
Phép chiéu song song phuong MO lén mat phang (ABC D) bién diém
S thanh diém N. Do d6 SN || MO = N € AC.
ON SM 1 ,
Xét tam gidc ij;lvN C()lOA = A~ 3 = N la trung diem cua OC.
Tu do — = -
u do suy ra A= 1

Chon dap an @ ([l

Cau 26. Cho hinh hop ABCD.A'B'C'D’. Qua phép chiéu song song phuong AB lén mat phing chiéu
(BDD'B'). Hoi hinh chiéu ctia hinh hop 14 hinh gi?

A. Hinh binh hanh. B. Hinh thoi. C. Hinh chit nhat. D. Hinh vuéng.
LS giai.
Qua phép chiéu song song phuong AB lén mat phing chiéu (BDD'B’)
fa 6 A, B bién thanh B, A, B’ bién thanh B', C, D bién thanh D,
C’, D' bién thanh D’. Do d6 hinh hop ABCD.A’B'C'D’ bién thanh
hinh binh hanh BDD'B’.

Chon dap an @ ([
Cau 27. Cho hinh chép S.ABC cac mat bén la tam gidc déu. Goi M la trung diém ctia BC, N la diém
trén canh S'A sao cho % = % Qua phép chiéu song song phuong SM mat phang chiéu (ABC) bién N
thanh:

A. Tam duong tron ngoai tiép AABC. B. Tam duong tron noi tiép AABC.

C. Trong tam ctia AABC. D. C4 ba dap 4n trén déu ding.

L1 giai.
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Do cac mat bén clia hinh chép S.ABC 1a cac tam giac déu nen AABC S

N . N ~ . SN MG 1
déu. Goi G la trong tam tam giac ABC. Ta c6 NA - CA 3

= NG || SM. Nen G 1a hinh chiéu song song theo phuong SM ctia N N
tren (ABC). Lai do AABC déu nén G vua la trong tam, vita 13 tam

duong tron ngoai tiép, vira 1a tam dudng tron noi tiép clia tam gidc

ABC.

Chon dap an @ ([

Cau 28. Cho hinh lang tru tam gidc ABC.A'B'C’, goi M, N, P lan lugt la tam ctia cAc mat bén (ABB'A’),
(BCC'B') va (ACC'A"). Qua phép chiéu song song phuong BC’ va mit phang chiéu (AB'C) khi d6 hinh
chiéu ciia diém P la

A. Trung diém ctia AN. B. Trung diém ctia AM.
C. Trung diém ctia B'N. D. Trung diém ctia B'M.
Lo giai.
Goi Q 1a anh ctia P qua phép chiéu song song phuong BC’ lén mit A O

phing (AB'C). Ta ¢6 PQ || BC' va PQ C (ABC'). Ma AN la giao
tuyén ctia hai mat phang (ABC') va (AB'C) nén Q € AN.

Lai c¢6 P la trung diém ctia AC’ nén PQ la dudng trung binh ctia tam
gidc ANC' = @ la trung diém ctia AN.

Chon dap an @ O

DAP AN

1. A2 BJ[3. B4 B3 cll6e. D]J[7. A]ls.
11. B |[12. C |[13. A |[14. A [[15. D |[16. A |[17. B ||18.
[21. D ][22. D ][23. B |[24. C |[25. C |[26. A |[27. D |[2s.

19. B ||20. D

= Q=

ON TAP CHUONG II

Cau 29. Cho tit dien ABCD. Goi I, J va K lan lugt 1a trung diém ctia AC, BC va BD. Giao tuyén cta
hai mat phang (ABD) va (IKJ) la dudng thang

A. KD. B. KI.
C. qua K va song song vGi AB. D. Khong cé.
“ LG giai.
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Ta c6 A

(IJK)N (ABD) = K
1J C (IJK),AB C (ABD)
1J | AB
& (IJK)N(ABD)= KM | 1.J || AB.

Chon dap an @ O

Cau 30. Tim meénh dé diang trong cdc ménh dé sau.
A. Néu hai mat phang () va(B) song song v6i nhau thi moi dudng thang nim trong (a) déu song song
véi (B).
B. Néu hai mit phéng («) va (3) song song v6i nhau thi moi dudng thang nim trong (a) déu song song
v6i moi duong thdng nam trong ().
C. Néu hai duong thang song song véi nhau lan lugt nim trong hai mat phang phan biét («) va(s) thi
() va (B) song song véi nhau.
D. Qua mot diém ndm ngodi mat phing cho trude ta vé dude mot va chi mot dudng thing song song véi
mit phang cho truge do.
#Lo1 giai.
Dap 4n B, C sai. Hai dudng thang lan lugt nim trén hai mat phing song song véi nhau thi c6 thé chéo
nhau.
Dép an D sai vi qua mot diém ndm ngoai mit phéng cho trude ta vé dude vo sé6 duong thang song song véi
mat phang cho trusc do.
Chon dap an (A) O

Cau 31. Cho ttt dien ABCD. Goi M, N lan lugt 1 trung diém ctia AB, AC; E 1a diém trén canh CD véi
ED = 3EC. Thiét dién tao bdi mat phing (M NE) va ti dien ABCD la
A. Tam giac MNE.
B. Tt giac MNEF véi F la diém bat ki trén canh BD.
C. Hinh binh hanh MNEF véi F 1a diém trén canh BD ma EF || BC.
D. Hinh thang MNEF vé6i F la diém trén canh BD ma EF || BC.
“Loi giai.
Ta c¢6 E la diém chung ctia hai mit phing (M NE) va (BCD). Lai c6 A
MN C (MNE)
BC C (BCD) <4 Giao tuyén ctia hai mit phang (M NE) va (BCD)
MN || BC M
la duong thing d di qua diém E va song song véi BC' va M N.

E
C
Trong mat phing (BCD), goi F' = dN BC. Khi d6 thiét dién tao bi mat phing (M NE) va tit dien ABCD
13 hinh thang MNEF v6i F la diém trén canh BD ma EF || BC.
Chon dap an @ O

Cau 32. Cho hinh ling tru tam gidc ABC.A’B'C’. Goi I, J lan ludt 1a trong tam clia cic tam giac ABC
va A’B'C’. Thiét dién tao bdi mat phang (AIJ) v6i hinh lang tru da cho Ia

A. Tam giac can. B. Tam giac vuong. C. Hinh thang. D. Hinh binh hanh.
#L3H giai.
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Kéo dai Al cit BC tai M, suy ra M la trung diém BC.
(AIJ)n (A'B'C")=J
Al C (A1)

A'Jc (A'B'C)

Al || AT

Trong mat phang (A’B'C"), goi M' = A'J N B'C".

Ta 6 & (ALT) N (A'B'C") = A'J.

o iy JAM' | AM
Khi d6 thiet dién la ta giac AA'JI, t@ giac nay cé , ,
AA" || MM

AA’JI 13 hinh binh hanh.

Chon dap an @ ([

Cau 33. Cho tit dien déu SABC. Goi I la trung diém ctia doan AB, M 1l diém di dong trén doan AI.
Qua M vé mit phing () song song véi (SIC) . Thiét dién tao bdi (o) véi tit dien SABC 1a
A. Tam gidc can tai M. B. Tam giac déu. C. Hinh binh hanh. D. Hinh thoi.
“ Lo giai.
MN || ST

Goi N, P lan lugt ndm trén cac canh SA, AC sao cho ) S
MP | IC

& (MPN) || (SIC) & (MNP) = (a).

Vay thiét dien 13 tam giac M NP.

Tit dien SABC déu nén tam gidc SIC can tai I.

AM MP "MN N
Ngoai ra ta c6 = = MN = MP.
goai ra ta c6 — TP MP@
Suy ra tam giac MNP can tai M. C

A
M
I
B

Chondépén@ O

Cau 34. Cho tt dien déu SABC canh bing a. Goi I 13 trung diém clia doan AB, M 13 diém di dong trén
doan AI. Qua M vé& mit phing (a) song song véi (SIC) . Tinh chu vi ctia thiét dién tao bdi (o) v6i tit dién
SABC, biét AM = .

A z(1+v3). B. 2z (1+V3). C. 3z (1+V3). D. Khong tinh dugc.
#L3i giai.

; R . AM
bDe y hai tam gidc MNP va SIC dong dang véi ti sO a7 - S
2 C 2 2
= 5 ZMyve 2 Cunp = £(51+1C+SC) =
a Csico a a
2 (a3  aV3
a(2 + 5 +a>:2x(\/§+1). N

B
Chon dap an O

Cau 35. Cho hinh binh hanh ABCD. Goi Bz, Cy, Dz la cac dudng thing song song véi nhau lan lugt di
qua B, C, D v nim vé mot phia ciia mat phang (ABCD) dong thai khong ndm trong mit phang (ABCD) .
Mot mat phang di qua A cat Bz, Cy, Dz lan lugt tai B',C’, D' véi BB' = 2,DD’ = 4. Khi dé do dai CC’
bang bao nhiéu?

A. 3. B. 4. C. 5. D. 6.
£ giai.
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Goi O la tam ctia hinh binh hanh ABCD. Dyng dudng thang qua c’

O song song BB’ va cat B'D’ tai O'.

Theo cach dung trén, ta ¢c6 OO’ la duong trung binh ctia hinh
BB’ + DD’

thang BB'D'D & 00' = ———— =3.

Ngoai ra ta c6 OO’ la duong trung binh ciia tam giac ACC’
& CC'=200"=6.

Chon dap an @ O

Cau 36. Tim ménh dé ding trong cdc ménh dé sau.
A. Hai duong thing phan biét cling ndm trong mot mit phang thi khong chéo nhau.
B. Hai dudng thidng phan bigt khong cit nhau thi chéo nhau.
C. Hai duong thing phan biét khong song song thi chéo nhau.
D. Hai duong thing phan biet 1an lugt thuoc hai mat phéng khéc nhau thi chéo nhau.
“Loi giai.
Chon A.
Dép an B sai: hai dudng thang dé c6 thé song song nhau.
Dap an C sai: hai duong thing d6 c6 thé cit nhau.
Dép an D sai: hai duong thing d6 c6 thé song song hoiic cit nhau.
Chon dap an @ O

Cau 37. Cho hinh vuong ABCD va tam gidc déu SAB nim trong hai mat phang khac nhau. Goi M la
diém di dong trén doan AB. Qua M vé mat phing () song song v6i (SBC). Thiét dién tao bdi () va hinh
chép S.ABCD 1a hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh thang. D. Hinh vuodng.
“Lo1 giai.
Lan lugt lay cac diém N, P,Q thudc cac canh CD, SD, SA théa MN ||
BC,NP | SC,PQ | AD.
Suy ra (o) = (MNPQ) va («) || (SBC). Theo cach dyng trén thi thiét
dién la hinh thang.

Chon dap an @ O

Cau 38. Cho hinh vuéng ABCD va tam giac déu SAB ndm trong hai mat phing khac nhau. Goi M la
diém di dong trén doan AB. Qua M vé mit phang (a) song song véi (SBC). Goi N, P,Q lan lugt 1 giao
clia mit phang (a) véi cadc dudng thing CD, SD, SA. Tap hop cac giao diém I ciia hai duong thang MQ
va NP la

A. Duong thang song song v6i AB. B. Nita dudng théng.

C. Doan thing song song véi AB. D. Tap hop rong.
“Lai giai.
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Lan lugt 1ay céc diém N, P, Q thuoc cac canh CD, SD,SA théa
MN || BC,NP || SC,PQ || AD. Suy ra (o) = (MNPQ) va
(a) [| (SBC).

ViI:MQﬂNP(:){

1,5 € (SCD)
I,S € (SAB)
thang 14 giao tuyén ciia hai mat phang (SAB) va (SCD).
M=B=1=S
Khi
M=A=1=T
la hinh binh hanh.

& I nam trén duong

v6i T 1a diém théa man ti giac ABST

Vay quy tich can tim la doan thing song song véi AB.

Chon dap an @ (I
Cau 39. Céc yéu t6 ndo sau day xac dinh mot mat phing duy nhat?

A. Ba diém. B. Mot diém va mot duong théng.

C. Hai duong thing cit nhau. D. Bén diém.

“Loi giad.

Stta lai cho ding: Ba diém khong thang hang.

Stta lai cho ding: Mot diém v mot duong thing khong chita diém dé.

Chon dép an (C) 0

Cau 40. Cho hai duong théng a va b. Diéu kién nao sau day du két luan a va b chéo nhau?
A. a va b khong c6 diém chung.
B. a va b 14 hai canh ctia mot hinh t dién.
C. a vd b ndm trén hai mit phing phan biét.
D. a va b khong ciing nim trén bat ki mat phing nao.
“Loi giai.
Stta lai cho ding: a v& b khong c6 diém chung va khong dong phing.
Stta lai cho ding: a va b 13 hai canh ddi cia mot hinh ti¢ dien.
Sai vi a v b c6 thé song song.

Chon dap an @ ([l
Cau 41. Cho tam gidc ABC, lay diém I trén canh AC kéo dai. Ménh dé ndo sau day la sai?
A. Ae(ABQC). B. I € (ABQO). C. (ABC) = (BIC). D. BI ¢ (ABC).
# Lo giai.
Taco I € (ABC),B € (ABC) < BI ¢ (ABC). B C
A
I
Chon dap an @ O

Cau 42. Cho tam gidac ABC. C6 thé xac dinh dugc bao nhiéu mat phang chita tat ci cac dinh tam giac
ABC?

A. 4. B. 3. C. 2. D. 1.
Lo giai.
Ta c6 ABC la tam giac < ba diém A, B, C khong thing hang. Vay
c6 duy nhat mot mit phing chita A, B, C. B

N

c A

Chon dap an (D) O

Cau 43. Trong khong gian cho bén diém khong dong phéng, c6 thé xac dinh nhiéu nhat bao nhiéu mat
phang phan biet tit cac diém do?
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A. 6. B. 4. C. 3. D. 2.
#Loi giai.
Gia st bén diém d6 la ti¢ dien ABCD. C6 cac mit phang do la: A

(ABC), (ABD), (ACD), (BCD).

B
Chon dap an O
Cau 44. Cho hinh chép S.ABCD véi day la ti gisc ABCD c6 cac canh doi khong song song. Gia st
AC N BD =0 va ADN BC = I. Giao tuyén ctia hai mat phang (SAC) va (SBD) la
A. SC. B. SB. C. SO. D. SI.
“Lo1 gii.
Ta c6
(SAC)N(SBD) =S
O € AC C (SAQ) < (SAC)N(SBD) = SO.
O € BD C (SBD)

Chon dap an @ O

Cau 45. Cho hinh chép S.ABCD véi déy la tit gisac ABCD. Thiét dien ctia mit phing () tiy ¥ v6i hinh
ch6p khong thé 1a
A. Luc giac. B. Ngii giac. C. T giac. D. Tam giac.
“Loi giai.
Hinh chép tit gidc c6 tat cd 5 mit nén thiét dien khong thé 1a luc giac.
Chon dap an @ O

Cau 46. Cho hinh lap phuong ABCD.A’B'C'D’. C6 bao nhiéu canh ctia hinh lap phuong chéo nhau véi
duong chéo AC’ ctia hinh 1ap phuong?

A. 2. B. 3. C. 4. D. 6.
Lo giai.
Cac canh chéo nhau véi duong chéo AC’ cta hinh lap phuong la: A D’
A'B'A'D',DD',CD,BC,BB'. ‘
B {— {cr
ar D
B C
Chon dap an @ O

Cau 47. Cho hai duong thing phan biét a va b trong khong gian. C6 bao nhiéu vi tri tuong déi gitta a va
b?

A. 4. B. 3. C. 2 D. 1.
aLoi giai.
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Hai dudng thang phan biét a va b trong khong gian cé ba vi trf tuong déi la: cit nhau, song song, chéo
nhau.

Chon dap an 0

Cau 48. Cho hai dudng thang phan biét ciing nim trong mot mat phang. C6 bao nhiéu vi tri tuong doéi
gitta hai duong thang do?

A. 1. B. 2. C. 3. D. 4.
“HLoi giai.
Hai dudong thing phan biét cling ndm trong mot miit phang c6 hai vi tri tuong déi la: cit nhau, song song.

Chon dap an O

Cau 49. Cho ti dien ABCD. Goi M, N,P,Q, R, S lan lugt 13 trung diém cac canh AC, BD, AB, CD,
AD, BC. Bén diém nao sau day khong dong phing?

A. P,Q,R,S. B. M,P,R,S. C. M,R,S,N. D. M,N,P,Q.
L5 giai.
Dé thay (MPR) || (BCD), ma S € (BCD) < S ¢ (MPR). 4

Vay M, P, R, S khong dong phéng.

Chon dap an O

Cau 50. Trong cic ménh dé sau day, ménh dé ndo ding?

A. Hai duong thang lan lugt nim trén hai mat phang phan biét thi chéo nhau.
B. Hai duong thang khong c6 diém chung thi chéo nhau.
C. Hai duong thang chéo nhau thi khong c6 diém chung.
D. Hai dudng thang phan biét khong song song thi chéo nhau.
“Loi giai.
Theo dinh nghia ctia hai dudng thang chéo nhau thi B 14 ménh dé ding.
Chon dap an @ O

Cau 51. Cho hai duong thing a v& b chéo nhau. C6 bao nhiéu mat phang chita a va song song véi b?

A. 0. B. 1. C. 2 D. Vo sb.
“Loi giai.
Hai dudong théng a va b chéo nhau c¢6 duy nhat mot miit phang chita a va song song véi b.
Chon dap an O
Cau 52. Cho tit dien ABCD. Diém M thuoc doan AC. Mt phang («) qua M song song v6i AB va AD.
Thiét dien cta (a) véi tit dien ABCD la

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh chi nhat. D. Hinh vuéng.

L1 giad.
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J (@) | AB y
Ta co {AB C (ABC) < ()N (ABC) = MN || AB vé6i N € BC. A

(@) | AD

A (ACD) = MK || AD véi
AD c (Acp) & (@0 HACD) I AD véi M

Tuwong tu ta co {

K eCD.
Vay thiét dién clia () vé6i ti dien ABCD la tam giac MNK.

Chon dap an @ (I

Cau 53. Cho cac gia thiét sau day. Gia thiét nao két luan dudng thang a song song v6i mit phing (a)?
A al|bvad] (a). B. an(a) =2. C.albvabcC (). D. a| (B) va (8) || ().
LS giai.

Dudng thang a song song véi mit phéng («) khi ching khong c¢6 diém chung.

Chon dap an O
Cau 54. Trong cic ménh dé sau day, ménh dé ndo ding?

A. Néu () || (B) vaa C (a),bC (B) thial b. B. Néual (o) vab| (8) thia| b.

C. Néu (a) || (8) vaa C () thia | (B). D. Néua || bvaaC (a),bC (B) thi (a) | (8).

Cau 55. Trong khong gian, cho hai mit phang phan biét () va (8). C6 bao nhiéu vi trf tuong déi gitta
() va (B)?

A 1. B. 2. C. 3. D. 4.
LS} gidi.
Trong khong gian hai mat phing phan biét (a) va (8) c6 hai vi trf tuong déi 1a: cit nhau hay song song.
Chon dap an 0

Cau 56. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Giao tuyén ctia hai mat phang (SAD)va
(SBC) la duong thing song song véi dudng thing nao dudi day?
A. AC. B. BD. C. AD. D. SC.
#Loi giai.
Ta c6
(SAD)N(SBC) =S
AD c (SAD),BC c (SBC)

AD || BC
& (SAD)N (SBC) = Sz || AD | BC.

Chon dap an @ ([

Cau 57. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Gia st M thuoc doan thing SB. Mat
phang (ADM) cét hinh chép S.ABCD theo thiét dién 1a hinh gi?

A. Hinh tam giac. B. Hinh thang. C. Hinh binh hanh. D. Hinh ch@ nhat.
Lol giai.
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(ADM) N (SBC) = M
Ta ¢6 { AD C (ADM),BC C (SBC) < (ADM) N (SBC) = g
AD//BC
MN || AD || BC véi N € SC.

T giac AMND c6 MN || AD < AMND la hinh thang.
Chon dap an O

Cau 58. Cho tit dien ABCD. Diém M thudc doan BC. Mit phing (a) qua M song song v6i AB va CD.
Thiét dién cta () véi tit dien ABCD la

A. Hinh thang. B. Hinh binh hanh. C. Hinh tam giac. D. Hinh ngt giac.
“Loi giai.
Ta c6 A
(o) || AB B .
< (a)N(ABC)=MN || AB v6i N € AC.
AB C (ABCQC)
Tuong tu ta c6 K
(a) | €D B 5
< (a)N(ACD) = NK | CD vé6i K € AD.
CD c (ACD)
B D
M
C
(o) || AB N -
— < ()N (ABD)=KP || AB véi P € BD.
AB C (ABD)
CD
_ @l & (a)N (BCD) = MP || CD.
CD c (BCD)
Do d6 NK || MP va MN || KP < MNKP la hinh binh hanh.
Chon dap an ([

DAP AN

29. C |[30. A |[31. D |[32. D |[33 A |[34. B ][35. D |[36. A |[37. C |[38. C |
[39. C ][40. D ][41. D |[42. D ||43. B ||44. C ||45. A |[46. D |[47. B |[48. B |
[49. B |[50. C |[51. B |[52. A |[53. B ||54. C |[55. B |[56. C ||57. B |[58. B |
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