1A. SU PONG BIEN, NGHICH BIEN CUA HAM SO

HAM BAC BA

1. Tim cac khoang don diéu cua ham so6

Cau 1. Ham s y = x° + 3x” nghich bién trén khoang nao dwdi day?
A. (-;-2). B. (0;+). C. (-2;0). D. (0;4).

Loi giai tham khao
Tap xac dinh: D =R.

=2
Dao ham: y'=3x" +6x, y'=0 < 3x +6x=0<:>[x 0
X =

Bang bién thién:

x | —»© -2 0 +00

Yy + 0 — 0 +

' / : \ / e

—00 0

Ciu 2. Cho ham s y = x° —3x” = 9x +12. Ménh dé nao dudi day sai?
A. Ham sG dong bién trén khoang (—o0;-2).
B. Ham s6 nghich bién trén khoang (-1;2).
C. Ham s6 dong bién trén khoang (5; +00).
D. Ham s6 nghich bién trén khoang (2;5).

Loi giai tham khao

\ [ 2 [ X = _1
Paoham: y'=3x"-6x-9=y'=0& 3 -
x =
Bang bién thién:
X —0 -1 3 +00
yf

+ 0 - 0 +
Y /17 \ / +00
—o0 -15

Céu 3. Ham s8 y = x° —3x” + 3x — 5 dong bién trén khoang nao dwdi day?
A. (—oo;l). B. (1; +00). C. (—00; +00). D. (—00;1) va (1; +00).

Loi giai tham khao
Tacd y=3x" —6x+3:3(x—1)2 >0,VxeR.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc ||l




! 1A. Sw dong bién, nghich bién ciia ham sé

Céu 4. Ham s8 y = 3x —4x° nghich bién trén khoang nao dudi day?

N

Loi giai tham khao

Cac khoang nghich bién ctia ham s8: y =3x —4x° la
Tap xac dinh: D =R.

y'=3-12x"
1

=0 x=—-—;x==
Y 2

X< ——
y' >0

x> =

2

Cau 5. Cho ham s6 y = x° —3x* —9x + 5. Ménh dé nao duwdi day ding?
A. Ham s6 dong bién trén (—1; 3).
B. Ham s6 nghich bién trén khoang (—oo;-1).
C. Ham s6 dong bién trén mdi khoang (—oo; —1),(3; +oo).

D. Ham s chi dong bién trén khoang (3; +oo) :

Loi giai tham khao
Tap xac dinh: D =R.

y'=3x"—6x-9
] 2 ve =_1
Cho: y'=0&3x" -6x-9=0=
x=3

Bang bién thién:

X —0 -1 3 +00

y + 0 - 0 +

-22

Ham s6 dong bién trén mdi khoang (—oo; —1), (3; +oo) ; ham s nghich bién trén(—l; 3) .

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc ||l




w BAI TAP TU LUYEN v

Cau 6. Ham s8 y = —x° + 3x* + 9x nghich bién trén khoang nao dudi day?
A R. B. (—o0;-1), (3;+0).

A \ ~ x AV oA A 2 \ & A
Cau 7. Hamso y = 3 x* + x dong bién trén khoang nao dudi day?

A. R. B. (—oo;l). C. (1;+oo). D. (—oo;l) va (1;+oo).

A. (—oo;—l). B. (—1;3). C. (3;+oo). D. (—oo;—l) va (3;+oo).

4 4 2 AV - ~ 2 \ 7. e
Ciu9. Ham sd y = 3 X’ +6x° —9x— 3 ddng bién trén khoang nao dudi day?

A. (-;3). B. (2;+). C. R. D. Khong cd.
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Cau 10. Ham s6 y = %xz —x* +2x —10 ddng bién trén khoang nao dudi day?

A. (—oo;—l). B. (—1;+oo). C. R. D. Khong co.

Cau 11. Ham s6 y = x° + 3x* —9x + 2 dong bién trén khoang nao dudi day?
A. (-31). B. (-13).
C. (—oo;—l) va (3;+oo). D. (—oo;—3) va (1;+oo).

Cau 12. Ham s6 y = —x° + 3x” — 1 nghich bién trén khoang nao dudi day?
A. (—o0;1) va (2;+00). B. (0;2).
C. (2;+oo). D. R.

Cau 13. Cho ham s6 y =-3x° —3x* —x + % Ménh dé nao duéi day diing?
A. Phuong trinh y' = 0v6 nghiém. B. Ham s6 dong bién trén (—% ; +Ooj .

S NA N oA 1 S N I
C. Ham s0 trén dong bién trén (—oo ; —gj D. Ham s6 trén nghich bién trén R.
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Céu 14. Ham s6 y = 2x° — 6x ddng bién trén khoang nao dudi day?
A. (=o0;-1),(L+). B.(-L1). C. [-L1]. D. (0;1).

Céu 15. Ham s6 y = 2x° — 6x + 20 nghich bién trén khoang nao dudi day?
A. (=;-1),(L;+). B.(=11). C. [-1L1]. D. (0;1).
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w Dang 2. Tim diéu kién dé ham sd don diéu trén R

Céu 16. Tim tat ca gid tri thiee cia tham s& m dé ham s8 y = x° —3x* + mx +1 ludén dong

bién trén R.
A.m>3. B. m<3. C. m<3. D. m>3.

Loi giai tham khao
Tap xac dinh: D =R.
Pao ham: y'= 3x* —6x+m

Ham s0 luén dong biéntrén R < y'>20, Vxe R © A'=9-3m<0< m=3.

A i g , ~ o1 s " 1 .
Cau 17. Tim tat ca gia tri thuc cua tham s6 m dé ham s6 y = —§x3 +(m—1)x+7 ludn

nghich bién trén R.
A.m>1. B.m=2. C.m<1. D.m>2.

Loi giai tham khdo
Tap xac dinh: D =R.
Pao ham: y'=-x* +(m—1)
+Néu m-1<0< m<1=y'<0 Vx e R= ham s6 nghich bién trén R.

+Néum-1=0=m=1=y'<0 Vx#0,x € R= ham s6 nghich bién trén R.

+Néum-1>0om>1=y'<0=>x’ =m-1ox=tym-1.
Bang bién thién:
X | —oo —m-1 vm-—1 +00

Yy + 0 - 0 +
—00

Ham s§ nghich bién trén khoang (—m—1;/m ~1) khong thoa man d@ bai.

Vay v6i m <1 thi ham s nghich bién trén R.

3
~ N n 2 .7 . ? n ~? \ n x m A AV
Cau 18. Tim tat ca gia tri thuc ctia tham s6 m dé ham s6 y = e Exz +mx +1 ludn dong

bién trén R.
A. me(0;4). B. m e (—0;0)U(4;+).
C. me(—w;Oju[4;+OO). D. me[0;4].

Loi giai tham khao
Taco y'=x"—mx+my'>0,VxeR < ALO.
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| 1A. Sy dong bién, nghich bién ciia ham sé

2
Cau 19. Tim tat ca gia tri thuc ctia tham s6 m dé ham s6 y = %xg’ —% +2x+2016 ludn
dong bién trén R.
A.m:Z\/E. B.‘m‘SZ\/E.

C.m<-22vm>22. D. Mot két qua khac.
Loi giai tham khao

Tap xac dinh: D =R.
y'=x>—mx+2
Ham s6 dong bién trén R < A<0,VxeR
om -8<0e 22 <m<22,

Cau 20. Tim tat ca gid trj thyc ctia tham s6 m d€ ham s y =x° +(m+2)x* —(m—1)x -2

luén dong bién trén R.

7 -+/45 7 ++/45 —7 ++/45 7 + /45
.T —_— B.———<m«< .

A <m<

2 2 2
C.—‘7_2@<m<—_7+2*/£. D. __7+2JESmS7+2JE.

Loi giai tham khao
Tap xac dinh: D =R.
f'(x)=3x*+2(m+2)x—(m-1)
745 7 +/45
s —<m<L—,

Yebt < A =m*+7m+1
2 2

Cau 21. Tim tat ca gia tri thwc cta tham s6 m dé ham s6
y= 1_me3 —2(2—m)x* +2(2—m)x +5 ludn nghich bién trén R.

A.2<m<5. B. m>-2. C.m=1. D.2<m<3.
Loi giai tham khao
Tacd y =(1-m)x* —4(2—-m)x+2(2-m)
TH1: m=1thi y =-4x+4.V4i m = 1thi ham s khong nghich bién trén TXD
TH2: m #1 d€ ham s luén nghich bién thi diéu kién la:

1-m<0 m>1
= = 2<m<3.

A <0 m* —5m+6<0

Cau 22. Tim tat ca gia tri thwc cia tham s6 m dé ham sO
y=mx’ —(2m-1)x* + (m—2)x — 2 ludn dong bién trén R.
A.m>0. B. m>0. C. m<0. D. m<0.
Loi giai tham khao

y=mx’—(2m-1)x* +(m—-2)x -2

Tap xac dinh: D =R.

y'=3mx’* - 2(2m—1)x +m—2

+Néu m=0 thi y'=2x-2 am khi x <1 nén ham s6 khong dong bién trén R = m =0
(loai).
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oA A N oo A'<0
+Do d6 Ham s0 luén dong bién trenR < y'>0,VxeR <
a=3m>0

om>0

m>0

{4m2—4m+1—3m(m—2)£0 {(m+1)2£0
= =
m>0

Vay: véi m >0 thi ham s6 luén dong bién trén D.

Céu 23. Cho ham s8 y = mx® —(2m—1)x* + mx —7 . C4 bao nhiéu gia tri nguyén caa m dé
ham s6 nghich bién trén R ?
A. Khong c6 gia tri. B. 2.
C.0. D. V0 s0 gia tri.
Loi giai tham khao

Tacd y'=3mx* — 2(2m —1)x +m. Ham s8 nghich bién trénR < y'<0,Vx e R.
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w Dang 3. Tim diéu kién dé ham sd don diéu trén
khoang K cho trudc

Céu 24. Tim tat ca gia tri thiee cia tham s6 m d€ ham s6 y = x° —3mx + 5 nghich bién trén
khoang (—1;1).
A. 1. B. 2. C. 3. D. -1.
Loi giai tham khao

Tap xac dinh: D =R.
Dao ham: y'=3x> - 3m
+Néu m <0 thi y'>0 Vx nén ham s6 dong bién trén R (nén m <0 bi loai)

+ Néu m>0:>y’=0<:>3x23m<:>x2=m<:{

Bang bién thién:
X | —o —\/E \/; +00
y + 0 - 0 +
' / \ / N
—00

Vay ham s6 nghich bién trong khoang (—\/Z iJm )
Do d6 ham s nghich bién trong khoang (-1;1) thi m =1.

Cau 25. Tim tit ca gia tri thuc cua tham s6 m d€ ham s8 y=x" +3x* +(m+1)x +4m
nghich bién trén khoang (-1;1).
A. m<10. B. m>10. C. m<-10. D. m>5.
Loi giai tham khdo

Tacd y'=3x" +6x+m+1
Theo gia thiét y'<0 Vxe(-1;1)

S3x7+6x+m+1<0 Vxe(-11)
&3 +6x+1<-m Vxe(-1;1)

Xét g(x) =3x> + 6x+1 lién tuc trén (—1 ;1). Ta co g’(x) >0 Vxe(-11)
= g(x) dongbién trén (-1;1)va lim_g(x) = -2;lim g(x) =10

Lap bang bién thién ddi v6i ham s§ g (x) = —m 210 < m < -10.
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| 1A. Sy dong bién, nghich bién ciia ham s6

Cau 26. Tim tat ca gia tri thwc cta tham s6 m dé ham sO
y= —%x3 + (m - 1) o+ (m+ 3) x—10 dong bién trén khoang (O; 3).

A.ng. B.m<%. C.melR. D.m>—.

Loi giai tham khao
Pao ham: y'=-x*+2(m—1)x+m+3

m>-3
= y'(0)20va y'(3)20 " F370 el 7.
9+6m-6+m+3>0 m>E

Céu 27. Tim tat ca gia tri thyc ctia tham s6 m d€ ham s8 y = x° = 3x* + mx+1 dong bién
trén khoang (O;+00) .
A. m<0. B. m<3. C.m>3. D. y=x"-2x+1.
Loi giai tham khao

Tacd y'=3x"—6x+m>0,Vx>0

& m>-3x” +6x,Vx >0 < m>max(-3x> +6x) = 3.

w BAI TAP TU LUYEN v

Cau 28. Tim tat ca gid tri thwc caa tham s6 m d€ ham sO
y =2x" —32m+1)x* + 6m(m +1)x +1 dong bién trén khoang (2; + oo) .
A.-m=1. B.m>1. C.m=2. D. m<1.

Céu 29. Tim tat ca gia tri thuc ctia tham s6 m d&€ ham s6 y = x° +3x* —mx -4 ddng bién
trén khoang (—oo; 0).
A.m<1. B. m <-3. C. m>3. D. m<3.
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Céu 30. Tim tat ca gid tri thyc ctia tham s6 m d€ ham s6 y = x° —2mx* + m ddng bién
trén khoang (—;0).
A.m=0. B. m<0. C.Khongco m. D.Moi meR.
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-1;0). B. (-1;0) va (1;+0).
1;+oo). D. Vxe R.

.....

Tap xac dinh: D =R.

Paoham: y'=4x" —4x, y'=0< 4x° —4x=0c{x:0
x=%1
Bang bién thién:
X | - -1 0 1 +00
"

Vay ham s6 dong bién trén cac khoang (~1;0) va (1; +oo).

Céu 32. Ham s6 y = —x"* +2x* + 4 dong bién trén khoang nao dudi day?
A. (—o0;-1). B. (3;4). C. (0'1). D. (—;-1), (0;1).

.....

x=0

y:—x4+2x2+4,y'=—4x3+4x20<:>{
x=x1

Bang bién thién:

X —o0 -1 0 1 +oo

!

y + — + —

L T

Ham s6 dong bién trén (—oo 1) (O 1).

Céu 33. Ham s8 y = %x“ —3x* —% nghich bién trén khoang nao dudi day?

A. (—oo;—\/g) va (O;\/g). B. (0;—%] va (%ﬁoo].
C. (\/§;+oo). D. (—\/5,‘0) va (\/§;+oo).

e 2

Loi giai tham khao
Tap xac dinh: D =R.
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Bang bién thién:
X | —© 3 0 V3 +00
y

— 0 + 0 - 0 +
' ” \ / \ /
Cau 34. Ham s6 y = x* + 8x° + 5 nghich bién trén khoang nao dudi day?

A. (-6;0). B. (0;+). C. (—;-6). D. (—o0;+0).
Loi giai tham khao

!

=0
y'=4x° +24x° :>y'=0<:>[x
x=-6
Bang bién thién:
X —0 -6 0 + 00

’

Y

T~
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Céu 35. Ham s6 y = x* + 4x° + 4x* + 2 nghich bién trén khoang nao dudi day?
A. (-1,0). B. (—o0;-2). C. R. D. (—»;-2), (-1;0).

Cau 36. Chohams6 y = f (x) c6 bang bién thién nhu sau:
* —00 -3 0 J3 +00

y' - 0+

y +OO\A_z/'%\A_z/'m

Ham s0 d6 1a ham s6 nao?

A.y:lx4—3x2+§. B.y:—lx4+2x2.
2 2 4
C.y=—x' 2x2+§. D y:—x4—3x2+%.

Céu 37. Tim tat ca gid trj thyc ctia tham s6 m dé€ ham s8 y = x* - 2mx* -3m+1 dong bién
trén khoang (1; 2).

A.m<1. B.0<m<1. C.m>0. D. m<0.
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Cau 38. Ham s6 y = % —x* =1 dong bién trén khoang nao dudi day?

A. (=0,0);(L,+%). B.(-,-1);(0,1).  C.(-1,0);(1,+x). D. (-o0,+x).

Céu 39. Ham s6 y = —ix“ —2x* + 3 nghich bién trén khoang nao duéi day?

A. (-=;0). B. (0; 2). C. (2;+). D. (0;+).

Céu 40. Ham s6 y = —ix‘l + %xz +1 dbng bién trén khoang nao dudi day?

A. (—00;—\/5) va (O;\/g). B. (—\/3—;0) va (\/§;+00).

C. (—oo;——j. D.Trén R.

A. (-=;0). B. (L;+00). C. (-3:4). D. (-;1).
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Cau 42. Ham s6 y = 2x+1 nghich bién trén khoang nao dwéi day?

A. (—oo;l). B. (1; +OO). C. (—00; +00). D. (—00;1) va (1; +00).

Loi giai tham khao
Tap xdc dinh: D =R\ {1}.

Dao ham: y'=- <0 VxeD.

x—1 :

Vay ham s6 nghich bién trén cac khoang thudc D: (—oo; 1) va (1;+0).

Cau 43. Hams6 y=x— 2, nghich bién trén khoang nao duwéi day?
X

A. (—oo;O) va (0; +oo). B. (1;0). C.R. D. Khong co.

Loi giai tham khao
Tap xac dinh: D =R\ {0}

Paoham: y'=1+ % >0 Vx e D= ham s6 ludn dong bién.
X

Bang bién thién:

X | 4o 0 +00
y' + +
y / / :
A . —x"—2x+3 A s v a
Cau44. HamsO y = —— nghich bién trén khoang nao duwdi day?
X+
A. (—oo; —1) va (—1; +oo). B. (1; +00). C.R. D. Khong co.

Loi giai tham khao
Tap xac dinh: D =R\ {-1}

Pao ham: y'=-1- 4 ~<0 Vx e D= ham sd luén nghich bién trén D.
(x+1)
Cau 45. Hims6 y =x + 1 nghich bién trén khoang nao dwdi day?
X
A. (—o0;—1) va (1;+0). B. (-1;0) va (0;1).
C.R. D. Khong co.

Loi giai tham khao
Tap xac dinh: D =R\ {0}
Pao ham: y’:l—%, y'=0<:>1—l2:0<:>x:i1.
x x
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X —00 -1 0 1 +00

y' + 0 - - 0 +

y /-2 \ +o0 \ /Voo
—0 —0 2

Vay khoang nghich bién ciia ham s6'1a (-1;0) va (0;1).

w BAI TAP TU LUYEN v

A e e XT-8X+9 o o gn
Cau 46. Ham so y = 5 nghich bién trén khoang nao duwdi day?

A. (—oo;5) va (5; +oo). B. (5; +oo). C. R. D. Khong co.

Cau 47. Ham 58 v = 272 nghich bién trén khoang nao dudi day?

A. (1;+oo). B. (—oo;l); (1;+oo). C. (—1;+oo). D. (—00;2).

Cau 48. Ham s6 y = x—f nghich bién trén khoang nao duwéi day?
x—
A. (—oo;l) va (1;+oo). B. (1;+00). C. (—1;+00). D. (0;+00).
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! 1A. Sy dong bién, nghich bién ciia ham s6

Ciu49. Hams6 y =

5 dong bién trén khoang nao dudi day?
x+

A. (-0;-2) va (-2;+).  B.(1,0). C.R. D. Khéng co.
Loi giai tham khao

Tap xac dinh: D =R\ {-2}

Dao ham: y'=

( )2 >0 Vx e D = ham s0 luén dong bién trén D.
X+2

Cau 50. Him s6 y = —2x dong bién trén khoang nao dwdi day?

x+1
A. (—o0;-1). B. (—1;+). C.R. D. Khéng co.

Loi giai tham khao

Tap xac dinh: D =R\ {-1}

Pao ham: y'=-

( )2 —2<0 Vx e D= ham s0 luén nghich bién trén D.
x+1

Cau 51. Him s6 y = . dong bién trén khoang nao dudi day?
x* +

A. (—oo; —1). B. (—1; +oo). C.R. D. (—1;1).
Loi giai tham khao

Tap xac dinh: D =R.

2
Pao ham: y’:l_—xz, y'=01-x=0< x=411.
(x2+1)
Bang bién thién:
X | —o -1 1 +00
Y - 0 -
Yy 1
5

"~ / 0

Vay khoang dong bién cua ham so la ( -1; 1

Cau 52. Chohams6 y = f (x) c6 bang bién thién nhu sau:

X —00 2 +00
y' + +
y 2\ +00
—00 \ 2
Ham sd d6 1a ham sd nao?
A.y:2x—5 B _2x-3 C a3 D._yZZx—l.

x=2 i x+2 'y_x—Z.
Loi giai tham khao
Dua vao bang bién thién ta thay do6 thi ham s6 ¢6 TCD x =2, TCN y=2.
y'<0,VxeR\{2}.
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| 1A. Sy dong bién, nghich bién ciia ham sé

Cau 53. Cho ham s3 y = f(x) c6 bang bién thién nhu sau:

X | —o —1 +00

y' + +

y / v / i
2 —00

Ham s6 dé 1a ham s6 nao?
:2x—3. B.y:2x—3. :2x+3. D.y:x+3.
x—1 x+1 1-x x—2

w BAITAP TU LUYEN v

Cau 54. Cho ham s8 y = f(x) c6 bang bién thién nhw sau:

2 + o0

Ay

X | -0

y - -
1 + o0

y \_w \1

Ham s6 d6 1a ham s6 nao?
2x-1 x—3 y x+3 x+3

2x+7
X+
A. Ham s6 co tap xac dinh la: D =R\ {—2} )

Cau 55. Choham s6 y = c6 do6 thi (C). Hoi ménh dé nao dudi day sai?

B. D6 thi cit truc hoanh tai diém A (_?7 ; Oj )

C.Ham s6 luén nghich bién trén R.
-3

D.C6 daoham y'= ———.
(x+2)
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Cau 56. Choham s6 y = f(x) = (ac #0,ad —bc #0) va D la tap xac dinh caa ham

X +
s0. Ménh dé nao dudi day diing?
A. Ham s6 dong bién trén titng khoang xac dinh, khi y'>0 VxeD.
B. Ham s6 dong bién trén tiing khoang xac dinh, khi y'>0 Vxe D.
C. Ham s6 nghich bién trén ting khoang cua tap xac dinh, khi y'<0 Vx eR.
D. Ham s0 nghich bién trén tting khoang ctia tap xac dinh, khi y'<0 vx eR.

Céu 57. Cho ham s6 y = X_f Ménh dé nao dudi day ding?
x p—

A. Ham s8 nghich bién trén cac khoang (—oo,- —1) va (—1; +00) )
B. Ham s0 dong bién trén cac khoang (—oo,- —1) va (—1; +OO) )
C. Ham s6 nghich bién trén cac khoang (—oo; 1) va (1; +oo).

D. Ham s8 dong bién trén cdc khoang (—oo; 1) va (1; +00).

. Ménh dé nao dwéi day diing?

Cau 58. Cho ham s6 y =
x—2

A. Nghich bién trén R.
B. Nghich bién trén D =R\ {2}.
C. Nghich bién trén cac khoang (—oo; 2); (2; +oo) .

D. Bong bién trén cac (—oo;Z); (2; +oo) )
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x+1
A. Ham s6 dong bién trén cac khoang (—o; 1) va (-1;+o).

B. Ham s0 luon luén dong bién trén R \ {—1} .
C. Ham s6 nghich bién trén cac khoang (—oo; -1) va (-1; +o0).

D. Ham s6 ludn luén nghich bién trén R \ {—1} .

2x+1
x—1
A. D06 thi ham s6 ¢6 tiém can dung la x=1.
B. Ham s6 khong xac dinh tai diém x =1.
C. Ham s6 nghich bién trén R.

Céau 60. Cho ham s y = . Ménh dé nao dudi day sai?

A . \ ~ \ . «A? 7 \ A M ]-
D. D6 thi ham s6 cat truc hoanh tai diém c6 hoanh d¢ bang 5

CAu 61. Cho ham s3 y = % Meénh dé nio dudi day diing?
A. Dong bién trén cac khoang (—oo; O) va (2 ; +oo).
Nghich bién trén cac khoang (O; 1) va (1; 2).
B. Bong bién trén khoang (—oo; 1). Nghich bién trén khoang (0; 2).
C. Dong bién trén khoang (2;+x). Nghich bién trén khoang (O; 2).
).

D. Dong bién trén khoang (2;+w). Nghich bién trén khoang (0; 1).
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2 —
Cau 62. Choham s6 y = LJ;?) . Ménh dé nao duéi day diing?
X+

A. Ham s6 dong bién trén khoang (—oo; —1) va nghich bién trén khoang (—1; +oo).
B. Ham s0 nghich bién trén R.
C. Ham s6 dong bién trén khoang (2; 4).

D. Ham s8 nghich bién trén céc khoang (—o;—-1) va (~1;+%).
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A N A 2 .7 . 2 A A? \ A x + m o oA A \
Cau 63. Tim tat ca gia tri thyec cta tham s6 m dé ham s y = nghich bién trén tirng

khoang xac dinh.
A.m<-2. B.m<-2. C.m>-2. D.m>-2.

Loi giai tham khao
Tap xadc dinh: D =R\ {2}
-2-m
(x—2)

Ham s6 nghich bién trén timng khoang xac dinh < 2-m<0< m>-2.

Pao ham: y'=

Al 64, Tim t4t ¢4 sid tri thelcfia ham! 56 7 dé him 56y = L2 A0 g hign frén
X —m
tirng khoang xac dinh.
A. 8<m<l1. B. 8<m<1. C.4<m<1. D. 4<m<1.
Loi giai tham khao
y'>0m —m>0.
x* —mx+2
Cau 65. Tim tat ca gia tri thuec ctia tham s6 m dé ham sd y = i dong bién trén
x p—
tirng khoang xac dinh.
A. . m=>3. B. m<3.
C.2V2<m<22. D. m <242 hosic m>242.

Loi giai tham khao

L X =2x+m-=2

(1)

>0,Vx#leo x> —2x+m—-2>0,Vx#=1< m>3.

Cau 66. Tim tat ca gia tri theec ctia tham s6 m dé ham s6 y = al +T dong bién trén ting
X+
khoang xac dinh.
A.m<1. B. m<1. C.m=1. D.m>1.

Loi giai tham khao

Ta co y':l_—m>0, VxeR\{-1}=>m<1.
(x +1)°

Cau 67. Tim tat ca gia tri thyc cua tham s6 m d€ ham s6 y = dong bién trén
x—m
khoang (2; +oo).

A. m<O0. B. m<0. C.m<?2. D. m<2.

Loi giai tham khao
Tap xac dinh: D =R\ {m}
-m

(x-m)"

Dao ham: y'=
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Bang bién thién:

X —00 m +0
y' + +
y / ” / v
—00 —00
M aa 1w m<2
Ham s6 dong bién trén (2; +oo) = < m<0.
m<0
A S n p o : n LS n mx + 25 : i A a
Cau 68. Tim tat ca gia tri thyec cua tham s6 m dé ham s6 y = nghich bién trén
X +m

khoang (—oo;l).
A. -5<m<5. B. 5<m<-1. C. 5<m<5. D. m>-1.
Loi giai tham khao

. m*=25
4 (x +m)*
, , 225
Ham s6 nghich bién trén (—oo;l) < y'<0 Vres {711 <0 & -5<m<-1.
S —m

A S e o s ) n R 2 +mx : Ay
Cau 69. Tim tat ca gia tri thiec ctia tham s6 m dé ham s6 y = nghich bién trén titng

2x +m

khoang xac dinh.

A. m<-2 hoac m=>2. B. 2<m<?2.

C.2<m<2. D. m < -2 hoac m>2.

Loi giai tham khao
2
Taco y'=—1 2 <o, VGR\{—ﬂ}@—kmd.
(2x +m) 2
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Céu 70. Ham s6 y = x* —4x +2 dong bién trén khoang nao dwdi day?
A. (2;+oo). B. (—00;2). C. (—00;2) va (2;+oo).

e 2

Loi giai tham khao
Tap xac dinh: D =R.
Pao ham: y'=2x-4

y' =0 x=2va f(2)=2.
Bang bién thién:
x | —o 2 +©
y' — 0 +
y +00 \ /V+oo
-2

Vay ham s6 dong bién trén khoang (2;+).

Cau 71. Him s6 y = —%xz —X +% nghich bién trén khoang nao dwdi day?
A. (1; +oo) . B. (—oo; —1).
C. (—1; +oo). D. (—oo; —1) va (—1; +oo).

e 2

Loi giai tham khao
Tap xac dinh: D =R.
Paoham: y'=—x-1=y'=0x=-1va f(-1)=2.

Bang bién thién:
X +00 -1 —0
y' + 0 -
—o —o0

Vay ham s6 nghich bién trén khoang (1; +oo).

Cau 72. Him s6 y = %xz —2x + 5 nghich bién trén khoang nao dwdi day?
A. (2;+oo). B. (—oo;Z).
C. (—2; +oo). D. (—oo;2) va (2; +oo).

e 2

Loi giai tham khao
Tap xac dinh: D = R.
Pao ham: y'=x-2

y' =0 x=2va f(2)=3.
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Bang bién thién:

X —00 2 +00

Y - 0 -

Y e \ / *
3

Véy ham s3 nghich bién trén khoang (—;2).

Céu 73. Ham s6 y = x> +2x +5 dong bién trén khoang nao dwdi day?
A. (-1 +0). B. (—o0;-1). C. (-o0;-1) va (-1;+). D.R.

Loi giai tham khao

Tap xac dinh: D =R.
Paoham: y'=2x+2=y'=0<x=-1va f(-1)=4.

Bang bién thién:

X —00 -1 +00
y' - 0

+
’ +OO\ h
) /

Véy ham s8 dong bién trén khoang (~1;+).

Cau 74. Ham s6 y = v2x—x*> dong bién trén khoang nao dudi day?
A. (—o0;1). B. (0;1). C. (1,2). D. (1;+).

Loi giai tham khao

Tap xéc dinh: D =[0;2].

Pao ham: y':l;xz, Vxe(0;2)2>y'20<:>x:1.
2x—x
Bang bién thién:
X 0 1 2
y' + 0 -
y /2 \
—0o0 —00

Cau 75. Ham s6 y = V4 —x” nghich bién trén khoang nao dudi day?
A. (0;2). B. (-2;0). C. (-2:2). D.R.

Loi giai tham khao
Tap xac dinh: D = [—2; 2:|.

Paoham: y'=-—22 %
' 2N4-x*  Na-x
y'=0<x=0.
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Bang bién thién:

X —00 -2 0 2 +00
Y + 0 -
Yy / 2 \

0 0

A._(%;Z). B. (_1,-3. C. (-1:2). D. (2;<0).

Loi giai tham khao

D:[—1;2]
yo 1o o 1
242 +x—x2 2
-1 1 2
X 2
y + 0 —

Céu 77. Tim tat ca gid tri thuc ctia tham s6 m d€ ham s§ y =+/x* —2x +1+mx dong bién
trén R.
A m>-2. B. m>0. C.m>-1. D.m>1.
Loi giai tham khao

(m+1)x-1 khi x> 1
y=‘x+1‘—mx= _

(m-T)x+1 khi x <1
=y >0, VxeR=>m>1.

Cau 78. Hamso y = Ii dong bién trén khoang nao dudi day?
nx

A. (0;1). B. (Le). C. (0;e). D. (e;+).

Loi giai tham khao
Tap xac dinh: D =(0;1) U (1;+).

Inx-1

2

Pao ham: y'= 1
n°x

=y'=0chx=1ex=c

Bang bién thién:

X 0 1 e —+00
y' — — 0 +

; ~— | —
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! 1A. Sw dong bién, nghich bién ciia ham sé

Ciu 79. Ham s6 y = xInx dong bién trén khoang nao dudi day?

A. (% ;+ooj. B. (1 ,-+ooj. C. (e;+). D. (1;+%).

e

Loi giai tham khao
Tap xac dinh: D = (0; +oo).
Pao ham: y’:lnx+1:>y’:0<:>x:1.
e
Lap bang bién thién.

\ ~ AV - A A ]-
Suy ra ham s6 dong bién trén (— ; +ooj.
e

X

~ N Y 2 .7 . 2 ~ A? \ ~ e
Céau 80. Tim tat ca gia tri thyc cua tham s6 m dé ham s6 y=—

e —m

dong bién trén

khoang (—2; —1) .

A.1Sm<1. B. m<1.
e
C.msl2 hoé01£m<1. D.m<l2.
e e e

Loi giai tham khao

Dat t=¢*; te(lz;lj .Tim m t& diéu kién y = —m+12 >0 ; Vte(%;lj'
(t—m) e* e

e e

Cau 81. Tim tat ca gia tri thuc ctia tham s6 b d€ ham sd y = sinx —bx nghich bién trén
R.

A. (—oo;l). B. [1;+oo). C. (1;+00). D. (—00;1].

Loi giai tham khao

Pao ham: y'=cosx-b

D& ham s6 nghich bién thi y'<0 = cosx—b<0 < cosx <b<>b>1 vi cosx|<1.

Cau 82. Tim tat ca gia tri thuc cua tham s6 m d€ ham s0 y=(m—3)x—(2m+1)cosx

nghich bién trén R.

A.—4Sm£§. B. Khong c6 m. C.%<m£3. D.—ZSmS%.

Loi giai tham khao
y'zm—3+(2m+3)sinx
-1)<0
Bai toan dua vé g(t)—m3+(2m+1)t<0,Vte[1;1]<:>{g( )< o —d<m<2,
g(1)=0 3

Céu 83. Tim tat ca gia tri thuc ctia tham s6 m d€ ham s8 y =sin® x + 3sin® x —msinx -4

dong bién trén khoang (O;%j :

A.m=>0. B. m<0. C.m>0. D. m<0.
Loi giai tham khao
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f(t)=t+3t —mt—4,f'(t)=3 +6t-m=g(t);g'(t)=6t+6,8'(t)=0 et =-1.

f(t) dong bién trén (0; 1)< g(t)=0,vte(0;1)
Duwa vao BBT cta g(t), ta cod g(O) =-m=20<m<0.

Cau 84. Tim tat ca gia tri thuc ctia tham s6 m dé ham s0 y =2mcosx +x dong bién trén
R.

IN

3

IA
N | =

A.m>0. B.0<m<1. C.—%SmSO. D. -

N | =

Loi giai tham khao
y'=-2msinx+1

Ham sd dong biéntrén R = y'>0 < 2msinx+120 < 2msinx <1,Vx ell
TH1:m=0,y'=1>0= Ham s6 dong bién trén R = Nhéan m =0

m>0 m>0

m>0 1
TH2: . SS9 1 & 1 ©0<m<—
2msinx <1 sinx < — 1<— 2
2m 2m
< <
m<0 m<0 m<0 1
TH3: . =5 1 © 1 ©&-——<m<0.
2msinx <1 sinx > — -1<— 2
2m 2m

Cau 85. Tim tat ca gia tri thuc cta tham s& m d€ ham sd y =sinx —+/3 cosx —mx dong

bién trén R.
A.m<-=-2. B.mé—x/g. C.m=>2. D.m>1.
Loi giai tham khao

Yy =cosx++/3sinx—m.

Khi do y'ZO,Vxe]R@mﬁcosx+\/§sinx,Vxe]R<:>m£—2.

Cau 86. Cho ham s6 f (x) =2sinx + tan x — 3x xdc dinh, lién tuc trén ntta khoang {0; %J
Ménh dé nao dudi day ding?
A. Ham s6 nghich bién trén ntra khoang {O;%j.

B. Ham s0 ¢6 cuec tri trén nita khoang {O;%j.
C. Ham s6 dong bién trén ntra khoang {O; %j

D. Ham s6 dong bién trén khoang (O;%j va nghich bién trén khoang (% ,%J :

Loi giai tham khao
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2
1-cosx) (2cosx+1
f'(x)=2cosx+c0i2x—3:( c)os(zx )>0,VE(O,‘%j.

Do d6, ham s f dong bién trén nira khoang {0;%}.

Cau 87. Cho bat dang thitc x > sin x . Ménh dé nao dudi day diing?
A. (1) luén ding khi x e {o; %) : B. (1) luén ding khi x e (0; ﬂ .
C. (1) ludn ding khi x {o; ﬂ : D. (1) ludn ding khi x (o,-gj .

Loi giai tham khao

Xétham sd f(x) = x—sinx trén ntta khoang {0;%}
Ta cé: f(x)=1-cosx >0 nén f(x)ludn dong bién trén nira khoang {0;%}
Do dé 0<x<§:f(x):x—sinx>f(0)=0<:>x>sinx.

Mat khac: voi x = %, ta coO: % > sin% =1.

A n Y 2 L4 . 2 ~ A? \ Sin X — 3 AV oA A
Cau 88. Tim tat ca gia tri thyc ctia tham s m d€ ham s6 y =————— dong bién trén
sinx —m

khoang (O,‘ZJ.
2
A . m<0v1l<m<3. B. m<3. C.0<m<3. D. m>3.
Loi giai tham khao

Dit t =sinx =t e (0;1). Xét f(t)ztt;?’:f’(t): (;””)32
—-m

—-—m
bé f'(t)= miA >0,Vte(0;1)=>m<0vi<m<3.

(t=m)

Cau 89. Tim tat ca gia tri thyc cta tham s6 m d€ ham s6 y = uzosx nghich bién trén
sin” x
khoang Z.Z
3°2
A.mﬁ% B. m>1. C.m<2. D. m<0.
Loi giai tham khao
Taco y= mfczosx = m—coix .bat t=cosx, te 0;l , xét ham g(t):m—_f, te 0;l .
sin” x 1-cos™ x 2 1-t¢ 2

2
Ham s6 nghich bién trén (%,%j khi g'(t) <0,Vte (O;%} &S m< f 2: 1,Vt € (0;%).
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Lap bang BBT trén (O ; %J, taco m< 2 thoa yéu cau bai toan.

Cau 90. Tim t4t ca gid tri thyc ctia tham s8 m d& ham s8 y = "= nghich bién trén
COS X
khoang (O,‘Zj.
6
A.mé%. B.m>1. C.m<2. D. m<0.

Loi giai tham khao
—cos’ x+2msinx —2sin’x -1+ 2msinx —sin’ x

,. '_
Taco: y'= > S
cos” x cos” x

Dé ham so nghich bién trén khoang (0; %) thi ' <0, Vx e (0’, % J (*)

2 +1
2t

bat t =sinx,t e(O;%).Ta co: (*)<:> m<

2 2 _
Xét ham s3 f(t):t;t'l,te(o,%j.Tacé: F(H)=2 1)<0,te(0;%j

Bang bién thién :

1

f(t) +

o T

\ 2 - A - A /4 5
Dua vao bang bién thién, ta c6 m < 1

sinx +m

Cau 91. Tim tat ca gia tri theee cta tham s6 m d€ ham sd y = nghich bién trén

sinx—1
khoang (% ; ﬂj

A. m>-1. B. m<-1. C. m<-1. D. m>-1.
Loi giai tham khao

, —(1+m)cosx ps
y'= > .Do cosx<0Q0Vxe|—;x :>—(m+1)>0<:>m<—1.
(sinx—l) 2
A N Y 2 .7 . 2 4 A? \ ~ tanx_z A\YN A A
Cau 92. Tim tat ca gia tri thyec cua tham s6 m dé ham s6 y = Prm— dong bién trén
anx —m

khoang | 0;Z% |.
o (0]

A . m<0. B.1<m<?2.
C.m<0 hoac1<m<2.. D. m>2.
Loi giai tham khao
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e Chon ddp dn C.

bat t =tanx, te(O;l). Ham s6 thanh y:f(t)::;z vVt 6(0;1)
-m

—m+2

(£=m)

Ham s6 dong bién trén D khi: -m+2>0< m<2.

Dé ham s6 dong bién trén (O; 1) ta phai c6 m <0 hodc 1<m <2.

D=R\[m}, f(t)-

A n Y 2 .7 . 2 A ~? \ A t - 10 A A A
Cau 93. Tim tat ca gia tri thiec ctia tham s6 m dé ham s6 y = :L dong bién trén
anx —m

khoang | 0;Z |.
o (0]

A. m<1. B. m=>2.
C.1<m<10. D. m<0 hoac1<m<10.
Loi giai tham khao

bat t =tanx, te(O;l). Ham s6 thanh y =f(t) :tt_ﬂ Vvt 6(0,'1)
-m

~ -m+10
(t=m)
Ham s dong bién trén D khi: —m +10 >0 < m < 10.
Dé ham sd dong bién trén (0; 1) ta phai c6 m <0 hodc 1<m <10.

D=R\{m), f (1)
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Céu 1. Tim diém cyc ti€u ctia ham s8 y = —x° +3x +4.

A. x=-1. B. x=1. C. x=-3. D. x=3.
Loi giai tham khao
. ) . x=1=y=6
y'=-3x"+3=>y' =0
x=-1l=>y=2
Bang bién thién:
X —0 -1 1 +00
y'

—

o0

Céu 2. Tim diém cyc dai ctia d6 thi ham s& y = 3x —4x°.

M) ) () of)

Loi giai tham khao

1
x=—E:>y=—1
y'=3-12x%y'=0&
x=— =>y=1
BBT
x 1 1
—0 —— — +o0
2 2
y' - 0 + 0 —
’ +Oo\ /1 \
-1 —00
Céu 3. Tim diém cye dai ctia d6 thi ham s8 y = x° —6x° + 9x.
A. (1;4). B. (3;0). C. (0;3). D. (41).
Loi giai tham khao
, ) , x=3=>y=-18
y'=3x"-12x+9,y'=0<
x=1=>y=4
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BBT
X —0 1 3 +00
y' - 0 - 0 +
y /'4 \ /
—-18

Diém cyc dai (1,4).

Cau 4. Tim gid tri cuc dai ciaham s6 v =x° —3x* = 3x+2.
g Yep Y

A. 3+442 . B.3-42. C.3+42 . D. 3-42.

Loi giai tham khao
x=1—\/§:>y=—3+4x/§

y'=3x"-6x-3y'=0<
x:1+x/§:>y:—3—4x/§

Gi4 tri ceec dai ciaham s8 y = x° —=3x* —3x+2 1a 31442 .
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= BAITAP TU LUYEN v

Céu 5. Tim diém cye dai ctia d6 thi ham s§ y =2x° —3x* - 2.
A. (0;-2). B. (2;2). C. (1,-3). D. (-1,-7).

A. (-1;2). B. (3;3) C. (1,-2). D. (1;2).

A. Ham s6 khong ¢6 cuc tri. B. Ham s0 ¢ mot cuece tri.
C. Ham s0 dat cuc tiéu tai x=1. D. Gi4 tri cec dai ctia ham s 1a 2.
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A. 3. B. 2. C. 1. D. 0.

A. 0. B. -3. C. -6. D. 3.

A. (1,0). B. (0;1). c |22 Z,2
3 27 3 27
Cau 12. Tim gid tri cuc dai y., chaham s y = —(x3 ~3x* —9x — 5).
A. 1. B. 3. C.0. D. 2.
Cau 13. Tim gid tri cuc tiéu y., ciia ham sd y =2x° —3x* -2
A,y =-3. B. y., =-2. C y,=0. D. y. =1.
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Cau 14. Tim gia tri thuc cua tham s6 m dé ham s6 y = ——x° +T+4 dat cyc dai tai

x=2.
A.m=1. B. m=2 C.m=3. D. m=4.

Loi giai tham khdo
y':—xz+§mx:>y'(2)=%m—4=0@m=3

y"= 2x+§m:>y”(2):—4+2:—2<0:>x:2.

3 2
Cau 15. Tim gia tri thuc ctia tham s6 m d€ ham s6 y = %— m.x?+ (Zm —4)x +1 dat cuc

daitai x=2 .
A.m<4. B. V. C.m>4. D. m#4.
Loi giai tham khao
+TXD: D=R .

+ f(x) =2 —mx+2m—4

+ f'(x)=2x-m

(x)=0 — —4=
f'(x) @{4 2m+2m-4=0 _

Yéu cau bai todn =
f"(x)<0 4-m<0

Céu 16. Tim gi4 tri thwe ctia tham s8 m d& ham s6 y =x° —3mx® +2x +1 dat cuc dai tai
x=1.

A.Khong ton tai m.  B. C6 v0 s6 m. C. m=6. D.m= g

Loi giai tham khao

y'(l) =0=>m= g . Hon ntra, y"(l) >0 = khong ton tai m thoa man.

Céu 17. Tim gid trj thyc ctia tham s& m d€ ham s8 y = x° —2mx” + m°x — 2 dat cuec ti€u tai
x=1.
A.m=2. B. m=3. C.m=1. D. m=-1.

Loi giai tham khao
v_3 2 2, ' _ m:1
y'=3x"-4dmx+m*; y'(1)=0 &
m=3

Thtr lai ta thady m =1 thoa.

Céu 18. Tim gia tri thic ciia tham s& m d€ ham s6 y = x° — 3x* + mx dat cyc tiéu tai x=2.
A . m=0. B. m=0. C.m>0. D. m<0.

Loi giai tham khao

=>m=0

{y'(Z)zO

y"(2)>0
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Céu 19. Tim gia tri thwe ctia tham s6 m d€ ham s8 y =x’ —mx” + (m2 = 2m)x +1 dat cuc

tiéutai x=1.
A.m=3. B.m=1. C.m=2. D. m=0.

Loi giai tham khao

Cau 20. Tim tat ca gid tri thure ctia tham s8 m d& ham 6 y = 2x° +3(m —1)x* +6(m—2)x
co cuc dai va cuc tiéu.
A.m=3. B.m#3. C. Vm. D. Khong co gia tri m.

Cau 21. Tim t&t ca gia trj thue cia tham s6 m d€ ham s8 y = (m +2)x° +3x% +mx +m cd

cuc dai va cuc tiéu.
A. me(-31)\{-2}. B. me(-3;1).
C. me(—oo;—3)u(1;+oo). D. m>-3.

Céu 22. Tim cdc gid tri thue cia tham s8 m d€ ham s6 y =x° - (m - 1) x> +2mx + 3 dat cyc

tritai x=1.

File word lién hé qua  Facebook: wwuw.facebook.com/VanLuc168 [ Nguyén Viin Luc |lIBES




Céu 23. Tim céc gid tri thyc cia tham s6 m d€ ham s8 y =x° — mx® + x +1 dat cuc tiéu tai
diém x=1.
A. m=0. B. m=1. C.m=2. D.m=-2.

File word lién hé qua  Facebook: wwuw.facebook.com/VanLuc168 [ Nguyén Viin Luc |JIRE




w Dang 10. Tim m dé ham sd dat cu'c dai, cuc tiéu
thoa diéu kién cho trudc

Cau 24. Tim cac gid tri thyc ctia tham s6 m dé€ d6 thi ham s6

y:%x3 +(m—2)x* +(5m+4)x +3m+1 dat cuc tri tai x,,x, sao cho x, <2<ux,.

A.m>0. B. m>-1. C. m<0. D.m<-1.

Loi giai tham khao
Taco y'= 0= x> +2(m-2)x+5m+4 = 0 (1)
Vay (1) c6 hai nghiém phanbiét < A'=m* -9m>0< m<0 hay m>9 (2)
D& thoa dk bai toan, ta can ¢6 (x, —2)(2-x,)>0 < 2(x, +x,)-xx, -4 >0 (3)
Tir dinh 1i Viet v6i (1) va (3) tacd m <0 (4)

Tt (3) va (4) suy ra m <0 la gia tri can tim.

Cau 25. Tim céc gid tri thyc ctia tham s6 m dé d6 thi ham sd
3

y= z_ (m—2)x* +(4m—8)x+m+1 dat cuc tri tai cac diém x,,x, sao cho x, <-2<x,.
3

A.%<m. B.m<%. C.1<m. D. m<2.

Loi giai tham khao
y'=x*—2(m—2)x+4m-38.

Yéu cau bai toan dua vé: ' =0 c6 hai nghiém phan biét x,,x, sao cho x, <-2<x,

Khi d6 xl+2<0<x2+2<:>(x1+2)(x2+2)<0<:>m<%.

3 2
A . C s . n N A e s " x> X )
Cau 26. Tim cdc gia tri thiec ciia tham s6 m dé do thi ham s6 y = = + 5 + mx dat cuc dai

va cuc tiéu va co hoanh dd cac diém cuwee tri 1é6n hon m.
A.m<-2. B.m>1. C.m<2. D.m>2.

Loi giai tham khao
Dao ham: y'=x* + x +m
Ham s6 dat cuec tri tai nhitng diém c6 hoanh d¢ x > m

< y'=0 c62nghiém x,,x, thoa m<x, <x,

1
A>0 1-4m>0 m<q
Sy (m)>0eim’ +2m>0e ym<2vm>0e m<-2.
§>m —l>m m<-—-——
2 2
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Céu 27. Tim c4c gia tri thyec ctia tham s m d€ d6 thi ham s6 y =x° —3x* + mx -1 ¢6 hai
diém cuc tri x,,x, thod mdn x> +x2 =3.
3 1
A . m=-2. B.m:E. C.m=1. D.m:E.

Loi giai tham khao
Tacd y'=3x" —6x+m.
Ham s6 ¢6 hai cuc tri < y'=0 c6 hai nghiém phan biét < 36 -12m>0< m<3
Hai cyec tri théa méan x} +x; =3 < (x1 +x, )2 —2xx,=3

@4—%’”=3©m=% (thoa man).

Céu 28. Tim c4c gia tri thiee ctia tham s8 m d€ d6 thi ham s8 y = x° —3mx” +4m’ s6 ¢b

hai diém cuctri A va B sao cho AB ~20.
A. m=+1. B. m=%2. Cm=1m=2. D.m=1.

Loi giai tham khao
, . 5 x=0
Taco: y'=3x"-6mx=0<
x=2m
Pé ham s6 ¢ hai cuic tri thi m =0

Hai diém cuc tri A(0;4m’ ), B(2m;0)

2 — 1
AB=20 < 16m° +dm* =20 | " T o m==1.
16m* +16m* + 20 = 0(VN)
2 —
Cau 29. Tinh khoang cach gitta 2 diém cuc tri ctia d6 thi ham s6 y = w .
x —

A. 245. B. 5v2. C. 45. D. 5.

Loi giai tham khao

2_

Taco 1/’=ZC 12)’; y'=0=x=0vx=2.Toadd 2 diém cwtrila I, (0;-m),I,(2;4-m)
x_

Khoang cach gitta 2 diém cupctri I,I, = E =2.5.
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Céu 30. Tim céc gid tri thuc ctia tham s6 m d€ d6 thi ham s6 y =x° —3x* —mx +2¢o Cac

diém cuc dai va cuc tiéu cua dd thi ham s6 cach déu duong thang y = x—1.
A.m=0. B. m=-1. C.m=-2. D. m=3.

Cau 31. Tim cac gia tri thyc ctia tham s6 m dé€ d6 thi ham s6
y=-x>+3x> +3(m* —1)x —3m* —1 cd cuc dai, cyc tiéu cach déu gdc toa dd O.

m=0 m=0 1 1
A 1 B. 1 C.m=—. D.m=+—.
m=—= m=—= 2 2

2 2

Céu 32. Tim céc gid tri thyc ctia tham s6 m d€ d6 thi ham s& y =-x° +3mx*> —3m -1 c6
diém cuc dai va diém cuc tifu d6i xting véi nhau qua duong thang d: x +8y-74=0.
A.m=1. B.m=-1. C.m=2. D. m=-2.
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Céu 33. Tim céc gia tri thyc cua tham s6 m d€ do thi ham s6 y =x° —3mx® +4m’ ¢b cac

diém cuee dai, cuc tiéu d6i d6i xting nhau qua duong thang (d) Yy=x.

A.m:ii. B.m:il. C.m=0. D.m:ii;m:O.
2 2 2

Céu 34. Tim cdc gid trj thyc ctia tham s8 m d€ d6 thi ham s8 y = —x° + 3mx* - 2m® ¢ hai

diém cure tri 4, B sao cho duong thang 4B vudng goc véi duong thang d : y = —2x.

Cau 35. Cho diém M(-2;2) va dd thi (C,):y=x’ —3mx+3(m2 —1)x—m3 +1. Tim céc

gia tri thuc ctia tham s§ m d& do thi (C, ) <6 hai diém cyc tri A,B va tam gidc ABM
vuong tai M.

A.m=-1. B.m=1.

C. Khong c6 m. D. C6 v0 sO gia tri cua m.
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Cau 36. Tim gi4 tri cuc tiéu y., ctahamsd y =x* —2x* +1

Ay, =2. B. y., =-1. Cy.,=1. D. y. =0.
Loi giai tham khao
' 3 , x=0
TXD: D=R.y'=4x" -dx o y'=0<
x ==l
BBT:
x | —© -1 0 1 +00

- 0 + 0 - 0 +
! +OO\ / : \ / +OO
0 0

Ham s6 dat ciec daitai x=0=y, =1; HS dat cyc tiéu tai x =+1=y_, =0

4
A \ A, X 5 T .
Cau 37.Hamsd0 y=—- 3x> + = c6 bao nhiéu diém cuec tri?

A. 3. B. 0. C. 2. D.1
Loi giai tham khao
Tim y'; tim s6 nghiém cua phuong trinh y'=0.
4 x3
Cau 38. Tim gia tri cyec tiéu y., ciaham s6 y = V)
A. 0. B.E. C. —l. D. —E.
4 12 4
Loi giai tham khao

y'=x"+x°= xz(x+1),y'=0©x:0, x=-1.
1
12°

Duya vao bang bién thién. Gia tri cue tidu la: y(-1)

Céu 39. Cho ham s8 y = x* + 4x* + 2. Ménh dé sau day la diing?

C. Cé cuc dai, khong co cuc tiéu.

A. Dat cuctiéu tai x=0. B. C6 cue dai va cuee tiéu.
D. Khong c6 cuec tri.

Loi giai tham khao

Ham trung phuong c6 hé s6 4,b cung ddu va a =1 nén ham s6 c¢6 mot diém cuece ti€u tai

x=0.
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w Dang 12. Tim m dé ham so dat cuc tri thoa diéu
kién cho trudc

4
~ N 14 .7 . ? N A? NA . \ N x 7
Cau 40. Tim cac gia tri thuc caa tham s6 m dé do thi ham s6 y = Vi mx* +m co ba cuc

tri.
A.m=0. B. m>0. C.m>0. D. m<0.

Loi giai tham khao
y'=x"—2mx
X =2m>0

y’:0<:>x(x2—2m):0<:> 0 om>0

Céu 41. Tim céc gid tri thuc ctia tham s6 m d€ d6 thi ham s6 y = x* +2mx* + m®> + m ¢

ba diém cuec tri.
A.m=#0. B. m<0. C.m>0. D. m<0.

Loi giai tham khao

+TXDb: D=R.
+ y'=4x +4mx.
' ) x=0
ty' =0ox(x"+m =01 |
x*=-m

+ Ham s0 ¢6 3 cuc tri khi va chi khi m<0.

Céu 42. Goi A, B, C 1a 3 diém cyc tri cta d6 thi ham s8 y =2x* —4x” + 1. Tinh dién tich

S cua tam giac ABC.
A.5=4. B. 5=3. C.5=2. D.S=1.

Loi giai tham khao
Diém cyc trj cua d6 thi ham s'1a: A(0;1), B(1;-1), C(1;-1).
AABC can tai A nén ta c6 dién tich la 2.

Céu 43. Tim c4c gid tri thuc ctia tham s6 m dé d6 thi ham s8 y=x" -2m’x* +m—1 cd ba
diém cuc tri tao thanh mot tam gidc cd dién tich b:?mg 32.
A. m=2. B. m> 4. C. m=-2. D. m < -b5.

Loi giai tham khao
y'=4x° —4mzxz4x(x2 —mz)
y'=0x=0vx==2m (m;tO)
V6i m=2.tacod A(0;1),B(-2;-15),C(2;-15), BC =(4;0), AH =]y, —,|=16;

1

S :lBC.AH:—4.16:32.
2 2

ABC
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Céu 44. Tim cc gid tri thue ctia tham s6 m dé€ d6 thi ham s8 y =x* —2mx* +2m* -4 ¢4
ba di€m cuec tri tao thanh mot tam giac c6 dién tich bf?mg 1.
A. m=+1. B. m=-1. C.m==%2. D.m=1.

Céu 45. Tim c4c gia tri thyc ctia tham s6 m dé€ d6 thi ham s6 y =x* - 2mx® + 2m+m* ¢6
ba diém cuec tri 1ap thanh mot tam giac c6 dién tich 47?
A. m=16. B. m=-316. C. m=316. D. m = 3/16.

Céu 46. Tim cdc gia tri thuc ctia tham s6 m d€ d6 thi ham s8 y =x* —2(m+1)x* + m* ¢
ba diém cyec tri tao thanh ba dinh ctia mt tam giac vuong.
A.m=0. B. m>0. C. m<0. D. meR.

Céu 47. Tim c4c gid tri thuc cua tham s6 m dé d6 thi ham s y=2x"—mx* +1 c¢6 ba
diém cuc tri lap thanh mot tam gidc vudng.
A. m=-235. B. m = 23/6. C. m=0. D. m=232.
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Caiu 48. Tim cac gia tri thye ctia tham s6 m dé€ d6 thi ham sd
1 14 - A? . A \ A ./ 14 A \
Y= 1 x* —(Bm+1)x* +2(m +1) c6 ba diém cyec tri 1ap thanh mot tam gidc ¢ trong tam la

goc toa do.

A.m>—l. B.m=l C mz—g. D.mzl;m:—z.
3 3 3 3

Céu 49. Tim céc gid tri thuc ctia tham s8 m d€ d6 thi ham s6 y = x* —2mx* + m* +2m ¢4
ba di€m cyec tri tao thanh mot tam giac déu.
A m=1. B. m=-1. C. m=-3. D. m=33.
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Cau 50. Ham s6 nao sau day c9 cuc tri?

2—x —-x+2 x—2 x—2
A. y= . B. y= . C.y= . D. y= .
Y 2 +2 Y x+2 4 x+2 —x+2
Loi giai tham khao
2-x . xP—4x-2

= :} =
4 x> +2 Y (x* +2)°

Lap bang bién thién suy ra ham s6 c6 cuec tri.

Cau 51. Trong cac ham s6 sau, d6 thi ham s6 nao ¢6 2 diém cuc tri?
_x=2 B.y=x"-4x-5. C.y=x"+2x-3. D.y:lx3—2x2+5.
2x+1 3

Loi giai tham khao
D06 thi ham s6 & dap an A, B khong thé co 2 cuc tri, & dap an C do
y'=3x"+2>0, Vx
D.Cé6 y'=2x" —4x.

y'=0c L ; , ©6 2 nghiém phan biét.

N \ ~ 1 1 . . - A? 4 A?
Cau 52. Cho ham s6 y = —x +— dat cyec tri tai diém x , x,. Tinh tong S=x, +x,.

x
A.S5=4. B.5=-4. C.5=2. D. S5=0.
Loi giai tham khao
y’:l—i:O:{xz_z.
4 X x=2

Chu 53. Cho ham s§ f(x) c6 daoham f'(x)=x(x-1)'(x~2)’ (x—3)". Hoi, ham s8
y=f (x) c6 bao nhiéu diém cuec tri?
A. 4. B. 3. C.2. D. 1.

Loi giai tham khao
f’(x) doi dau khi x qua x =0 va x =2 nén ham s6 c6 2 cuec tri.

Céu 54. Ham s6 y = x°(1-x)* c6 bao nhiéu diém cuec tri?
A.Ba diém cuc tri. B.Hai diém cuc tri. C. Mot diém cuc tri. D. Khong ¢6 cuc tri.

Loi giai tham khao

x =0 (K)
Xét ddu y' voi y'=x"-2x"+x’, y'=0|x=1
3
x==
L5
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Cau 55. Cho ham sG f (x) xac dinh, lién tuc trén R va c6 bang bién thién nhw sau:

Y - 0 + I =
y \

Ménh dé nao dudi day la diing?
A. Ham sO dat cuc tiéu tai x = -1 va dat cuc dai x =1
B. Ham sO dat gia tri cuc dai bﬁmg -3
C. Ham s6 dat gia tri cuc tiéu béng 2
D. Ham s6 c6 dang mot cuyec tri

Loi giai tham khao
Ta cé ham s0 dat cuc tiéu tai x = -1 va dat cuc dai x=1.

= BAITAP TU LUYEN v

Céu 56. Cho ham s6 y = Vx* —2x —3 . Ménh dé nao duwdi day 1a diing?

A. C6 diém cye daila A(1;0). B. C6 diém cuyc tiéu 1a B(3;0).
C. Khong c6 cuec tri. D. C6 1 diém cuc dai va 1 diém cuec tiéu.

Cau 57. Tim tat ca cac gia tri thuc cua tham s6 o d€ ham s6

y= %x3 —2(1-sina)x® — (1+cos2a)x cd cuc tri.

A.O(i%-l—kZﬂ'. B. a#kr. C.a=—+Kk2r. D.a=kr.
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Cau 58. Gia st ham so f (x) dat cuec tri tai diém x, va f (x) c6 dao ham tai x,.

Ménh dé nao dudi day la ding?
A. f'(x0)>0. B. f'(x0)¢0. C. f'(xo):O. D. f’(x0)<0.

Céiu 59. Cho d6 thi ham s6 nhw hinh bén.

|

Ménh dé nao dudi day 1a sai?
A. Ham s c6 3 diém cuec tri.
B. V6i —4 < m < -3 thi duong thang y = m cat @6 thi ham s& tai bon diém phan biét.

C. Ham s6 dat cuc tiéu tai x = +1.
D. D0 thi ham s6 c6 diém cye dai la (0;-3).

Céu 60. Cho ham sd f (x) c6 dao ham tai x,. Ménh dé nao dwdi day la diing?
A.Néu f' (xo) =0 thi ham s0 dat cuc tri tai x,.
B. Ham s6 dat cuee tri tai x, khi va chi khi f’(xo) =0.
C. Néu ham s0 dat cuc tiéu tai x, thi f' (xo) =0.

D. Néu ham s6 dat cuc tri tai x, thi f'(x,)=0.
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X —o0 -1 0 +00

Q-
+
o
|
+

Ménh dé nao dudi day la diing?
A. Ham s8 c6 dung mot cuc tri.
B. Ham s0 c6 gia tri cyc dai b??mg -1.
C. Ham s6 dat cuc dai tai x =1 va dat cuc tiéu tai x=0.
D. Ham s6 c6 gia tri 16n nhat bang 1 va gid tri nho nhat bang 0.

Q-
_I_
|
o
+

Ménh dé nao dudi day la diing?
A. Ham s6 c6 dung mot cuc tri.
B. Ham s8 ¢ gid tri cuc tiéu bang 334
C. Ham s8 ¢ gia tri 16n nhat bing 0 va gi4 tri nho nhat bing 334 .
D. Ham s0 dat cuc dai tai x =0 va dat cuctiéu tai x=2.
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1C. GTLN, GTNN CUA HAM SO

HAM BAC BA, BAC BON

» Dang 14. Tim GTLN, GTNN cua ham so6

Céu 1. Tim gid tri lon nhdt M cta ham s6 y = x° —3x” + 3 trén doan [O; 3].
A . M=-2. B. M=2. C. M=3. D. M=-1.
Loi giai tham khao

4 ' 2 ’ x=0
Taco y'=3x"-6x,y =0
x

.Tinh y(0)=3, y(2)=1, y(3)=3. Vay maxy =3.

Céu 2. Tim gia tri I6n nhat M va gia tri nho nhat m cta ham sd y =x° —3x+2 trén doan
[1;3].
A M=4m=0. B. M=20;, m=4. CM=20m=0. D.M=20, m=-4.

Loi giai tham khao

4 ’ 2 ’ x:1
Tacod y'=3x" -3,y =0 ]
X=-

Tinh y(—l) =4, y(l) =0, y(3) =20. Vay Iﬁg]xy =20; Iﬁg]xy =0.

Céu 3. Tim gid tri I6n nhat M cta ham s8 y = x° —3x* —9x + 35 trén doan [—4; 4].
A. M =140. B. M =8. C. M=-41. D. M =15.
Loi giai tham khao

x =-1€e[-4;4]

Tacod: y'=3x"-6x-9; y'=0<
x=3e[-4;4]

y(=4) =-4Ly(-1) =40;y(3) = 8; y(4) =15= maxy =40 = y(-1); miny =41 =y(-4).

Cau 4. Goi M va m lan luot 1a gia tri 16n nhat va gia tri nho nhdt cua ham s6

3
y:%+2x2 +3x —4 trén doan [—4;0]. Tinh tong M +m.

A. —ﬁ. B. @ C. iﬁ. D. -35.
3 3 3
Loi giai tham khao
4 ! 2 ! x:_l
Taco y'=x"+4x+3,y'=0<
x=-3
16 16 28
—4)=y(-1)=——, y(3)=y(0)=-A=>M=-4m=——=>M+m=——.
y(4)=y(-1) === y(-3)=¥(0) 3 3

Cau 5. Tim gid tri lon nhat M cia ham s6 y = 2x° +3x”> —12x + 2 trén doan [— 1 2].
A. M=6. B. M =10. C. M=15. D. M =11.
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Loi giai tham khao
x=1e(-1;2)

y'=6x"+6x-12=0<
x=-2¢(-1;2

);y(—1)=15; y(2)=6; y(1)=-5 31[\gga]cy:15.

w BAITAP TU LUYEN v

Céu 6. Tim gia tri 16n nhdt M va gid tri nho nhat m cta ham s6 y=x" —-3x* +5 trén
doan [—1;1].

Cau 7. Tim gi4 tri nho nhat cia ham s6 y = —x° + 3x +1 trén khoang (—;1).
g y g

A-miny=3.  B.miny=-1.  Cminy=2.  D.miny=-3.

Céu 8. Cho ham s8 y = —x’ +3x + 1. Ménh dé nao dudi day la diing?
A. C6 gia tri nho nhatla miny =3.

(0;+oo)

B. C6 gia tri 16n nhat la maxy =-1.

0;+00

C. C6 gia tri nho nhatla miny =-1.

(0;+oo)
D. C6 gia trji 16n nhat la maxy = 3.
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Cau 9. Cho ham s8 y = x> - 3x* + 2. Ménh dé nao dwdi day la diing?

A. maxy =0,miny =-2. B. maxy=2,miny =0.
[-11] [-11] [-11] [-11]

C. maxy =2, miny=-2. D. maxy =2, miny =-1.
[-11] [-11] [-11] [-11]

Cau 11. Tim gia tri 16n nhat M va gia tri nho nhat m ctia ham s6 y=x* -2x* +3 trén
doan [0;2].
A M=11,m=2. B.M=3 m=2. CM=5m=2. D.M=11 m=3.

A.m=-1. B.m=1. C.m=0. D.m=2.
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HAM PHAN THUC

» Dang 15. Tim GTLN, GTNN cua ham so6

Cau 13. Tim gia tri I6n nhat M ctaham s6 y = 5 _3 trén doan [0;2].
x f—
-1 1
A.M:?. B. M =-5. C. M=5. D.MZE.
Loi giai tham khao

y'=———<0,Vxe[0;2] = ham s6 nghich bién trén [0;2] = maxy = y(0) = 1

(x—3) [0;2] 3

~ \ ~ x + 1 A A \ &) ey \ s
Cau 14. Choham sd y = PRCE Ménh dé nao dwoi day la ding?
x p—

A. ][\fllfzﬁcf(x):?;; ][\_/{zlijtf(x):Z

B. Min f(x) =2, khong ton tai Max f(x).

C. ][\fllaﬁcf(x) = 2;khong ton tai ][\_/{zlrjzf(x) :
D. z[\fflgla]cf(x):z,- M?{jlf(x):l.

Loi giai tham khao
+ Ham s0 xac dinh va lién tuc trén D = (2; 3]

+ Vx e D:f’(x): - <0 =ham s6 nghich bién trén D

(x~1)
+Vay ](\é%lf(x) = f(3) =2, khong ton tai ]}é[gl]xf(x)

Cau 15. Tim gia tri 16n nhat cia ham s6 y =x+1+ 5 trén doan [—1; 5].
X+
46
A. maxy =3. B. maxy =4. C. maxy=—. D. maxy =-5.
[-15] [-15] [-15] 7 [-15]

Loi giai tham khao
1 4 x'+dx
(x+2) (x+2)

Tinh f(0)=—3;f(—1) :4;f(5) =§. Suy ra maxy:ﬁ.
7 [_1;5] 7

y'=0x=0x=-4
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. et o X0 =3x+1
Cau 16. Tim gid tri 16n nhat cia ham s6 y = ————— trén doan [2; 5].
x —
A. maxy =-1 Bmx——1 C. maxy=1 Dmx——E
Y= [2% y= ey = [2;651]y_ 4
xZ
Cau 17. Tim gia tri nhé nhat cia ham s6 y = 5 trén doan [1; 4] .
A r[nl;}lﬁly——l B I[nl;%ly—o C. 1[111%1]/:6. D I[Ill}lﬁly=8
2
Cau 18. Cho ham s6 = L’C;‘L .Ménh dé nao dudi day la ding?
X+
A. maxy:—l—,miny:—6. B. maxy =-6, miny =-5.
[42] 3 [42] [4:2] [42]
C. maxy =-5miny =-6. D. maxy=-4,miny =-6.
[-4-2] [4-2] [-4;-2] [-4:-2]
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Ménh dé nao dudi day la ding?
A. Ham s0 c6 gia tri nhé nhat la y(%j , gid trj 16n nhat 1a y(-1).

B. Ham s6 c6 gié tri nho nhat la y(-1), gid tri 16n nhat 1a y (%j .

C. Ham s6 c6 gia tri nho nhat la y(-1) va y(%j gia tri 16n nhat1a y(0).

D. Ham s6 c6 gia tri nho nhat 1a y(0), gia tri 16n nhat 1a y(%) :

2
Cau 20. Cho ham s6y = %—x—+ x thoaM = maxf(x);m = min (x) Tinh
x*—4x+5 4 [0:3] 3]

2
A N 4 L4 . ) A A ey . 2 A 2 \ A X—m +m
Cau 21. Tim cac gia tri cua tham s6 m dé gia tri nho nhat cia ham s6 y = ————

x+1
[0;1] bang 2.
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HAM BAC HAI, CAN, LUONG GIAC, LOGARIT

» Dang 16. Tim GTLN, GTNN cua ham so6

Céu 22. Tim gi4 tri nho nhat m cta ham s8 y =+x*> —2x+5 trén doan [—1; 3:|.

A m=2/2. B.ng. C.m=2. D. m=23.

f(x)=0e2x-2=0cx=1.
F(-1)=£(3)=242; f(1)=2.

Cau 23. Tim gid tri 16n nhat M va gia tri nho nhat m ctia ham s6 y =+/6—3x trén doan
[-11].
A. M=+/6 vam=0. B. M=3 va m=+6.
C.M=1vam=-1, D. M=3 vam=13.

e 2

Loi giai tham khao

y'=0 vO nghiém; So sanh y(—l) va y(l), két luan.

Cau 24. Tim gia tri 16n nhdt M cta ham s6 y =+/5—-4x y = trén doan [—1; 1].
A. . M=9. B. M=3. C. M=1. D. M=0.

.....

Ham s0 xac dinh trén [—1; 1:|

y:\/5—4x, y’:ﬁ<0, V.X'E[—l} 1]/

y(-1)=3,y(1)=1.

Cau 25. Tim gia tri l6n nhat M ctia ham s6 y = x +V1—-2x trén doan {—4; %} .

A . M=-1. B.M:%. C. M=0. D.M=1.

.....

y'=1- L
1-2x

,y'=0o1=0, y<0>=1,y<—4>=—1,y@:%.
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Céu 26. Tim gid tri 1on nhat va gia tri nho nhat cia ham s6 y =x++V4—x" trén tap xdc
dinh.
A. Max f(x) = 2v2; Min f (x)= ~2. B May f () =—2; Min f (x) = 2.

[—2;2] ) 2] [_
C. MDaxf(x) = 2\/5; MDinf(x) =-2, D. ][\_/gazajcf(x) =2; f\_/zlzﬁf(x) =-2.

A M=2. B. M=5. C. M=3. D.M=4.

Cau 29. Tim gia tri nho nhat cia ham s§ y = 2sin® x + cos2x + 5 trén tap xac dinh.

: 11 : 11 . .
A. mRmy—Z. B. mRmy—?. C. mRmy—Z. D. mRmy—?).

Loi giai tham khao
Dat t = sin? x,te[O;l]. Tacd y= f(t) = 2(152 —t—l—3>,t € [0;1]. Tinh duoc miny:%.
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Cau 30. Goi M, m lan luwgt la gid tri 16n nhdt va gid tri nho nhat cta ham s6
y=2sin’x—cosx+1. Tinh M +m.

A M+m=0. B M+m=2. C.M+m:§. D.M+m:%.

Loi giai tham khao
t=cosx (te[-1;1]). Xét g(t)=—2t—t+3 trén [-1;1].

Cau 31. Goi M, m lan luwgt la gid tri 16n nhédt va gid tri nho nhat cia ham s6
y =sin2x-2v/3 cos’ x+2v/3. Tinh M +m.
A Mim=4+V3. B.M+m=2y3. C. Mim=4. D. M+m=1+23.

Loi giai tham khao
y =sin2x 23 cos’ x+2\/§=Sin2x—\/§cos2x+x/§=Zsin(2x_%J+\/§

Dé dang tinh duoc Mszaxy=2+\/§, m:mlgny:—2+\/§:M+m:2\/§.

= BAITAP TU LUYEN v

Cau 32. Tim gia tri lon nhdt M cta ham s6 y =sin® x + cos’ x —sinxcosx trén tap xéc
dinh.

sinx+2cosx+1

Céu 33. Cho ham s6 y = — . Ménh dé nao dudi day la diing?
sinx +cosx + 2

A. mRaxy:Z;mRmyzl. B. mRaxyzl;mRmyz—Z

C. mRaxy=2;mR1ny=—1. D. mﬂgxy=—1;mR1ny=—2.

File word lién hé qua  Facebook: wwuw.facebook.com/VanLuc168 [ Nguyén Viin Luc |iEQ




Cau 34. Tim gia tri nho nhét cia ham s8 y =log,” x —4log, x + 1 trén doan [1;8].

A. miny = =2 B. min y = 1. C. min y = —3. D. Dap an khac.
Loi giai tham khao

y=log,’x—4log, x+1=y=1t*-4t+1 v6i t =log, x €[0; 3].
Y =0t =2(t/ m)

y(0)=1y(2)=-3;y(3)=—2 = Miny =-3.

x€[1;8]

Cau 35. Goi M, m lan lugt la gid tri 16n nhdt va gid tri nho nhat cta ham s6
y=f(x) :‘x‘+3trén doan [—1; 1]. Tinh M +m.
A M+m=0. B. M+m=3. CM+m=4. D.M+m=7.

Loi giai tham khao
x+3 khi x>0
f) =] +3={-x+3 khi x<0= f(x)=
3 khi x=0

ham s6 khong cé dao ham tai

1 khi x>0
-1 khi x <0

x=0.
f(-1)=4, £(1)=4, £(0)=3= min f(x)= f(0)=3; max f(x)= f(1)=4
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BAI TOAN VAN DUNG

» Dang 17. Bai toan van dung GTLN, GTNN

Cau 36. Tinh dién tich Ién nhat S__ ctia mot tam giac vudéng c6 canh huyén bang 5V2.

A.S =§. B. S =§. C.S =§. D.S_ =25.
ma; 8 ma; 4 ma; 2 ma

X X X X

Loi giai tham khao

Goi mot canh géc vuong la x (O <x< 5\/5 ) Dién tich tam gidc vuong la: S = %x\/ 50 — x* .

Dién tich 16n nhét khi: x=5=5,_ = % .

X

Cau 37. Chu vi cia mot tam giac la 16¢m , biét do dai mot canh ctia tam giac la a = 6¢cm .
Tim do dai hai canh con lai b, ¢ ctia tam giac sao cho tam giac dé c6 dién tich 16n nhat.
A. b=4cm;c=6cm. B. b=3cm;c=7cm.
C. b=2cm;c=8cm. D.b=c=5cm.
Loi giai tham khao

+Goi x la do dai mdt trong hai canh cta tam giac.
+Suy ra dg dai canh conlaila 16 -6 —x =10 —x

+ Theo cong thirc Hérong, dién tich tam gidc sé€ la:

S(x) = /8(8-6)(8 - x)(8—10+x) =4y—x* +10x —16 , 0<x <8

4(5 - x)

S'(x)=
J=x? +10x —16

+ Lap bang bién thién ta thay trén khoang (O; 8), S (x) dat cuyc dai tai diém x=5.

Vay dién tich tam giac 16n nhat khi mdi canh con lai dai 5cm .

Cau 38. Cho tam giac vuéng ABC, téng clia canh géc vudng va canh huyén bang hang s§
a (a > O). Tinh d6 dai canh goéc vudng ctia tam gidc ABC thda diéu kién tam giac vuong
c6 dién tich 16n nhat.

A. x=2a. B. x= C.x:g. D.x:a\/E.

a
3

Loi giai tham khao

Goi canh goc vuong AB la x, (O <x< %) = canh huyén BC =a-x, canh gboc vuong kia

la AC =vBC? - AB* =\[(a-x)’ -x* hay AC =+a* —2ax
Dién tich tam gidc ABC la S(x)= %X\/az —2ax
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. 1C. GTLN, GINN cia hamso” B |

, 1 1 ax a(a — 3x)
S'(x)==+a*-2ax —= =

( ) 2 2 J7 —2ax 2@ —2ax
S'(x)=0©x:§ 4 c

Ké BBT, xét dau, ta thdy dién tich tam giac ABC 16n nhat béng
6

Cau 39. Cho mot hinh chit nhat c¢6 dién tich S=100. Tinh chiéu rong x va chiéu dai y

twong tng thoa diéu kién chu vi hinh ch nhat la nho nhat.
A x=25y=4. B. x=10;y =10. C.x=20y=5. D.x=50;y=2.

Loi giai tham khao
Ta thdy chu vi hinh chit nhdt = (dai + rgng ).2
Chu vi nho nhét khi dai + rong nhé nhat
A:saivi 25+4 =29
C:20+5=25
D: 50+ 2 =52
B: 10 +10 = 20 nho nhat.

Cau 40. Nguoi ta mudn ma vang cho mot cai hop c6 day hinh vudng khong nap c6 thé
tich la 4 lit. Tim kich thudc caa hop d6 d€ lwgng vang dung ma la it nhat. Gia st d¢ day
cta l6p ma tai moi noi trén mat ngoai hop la nhu nhau.

A. Canh day bang 2, chiéu cao bang 1. B. Canh day bang 1, chiéu cao bang 2.

C. Canh ddy bang 3, chiéu cao bang 4. D. Canh day bang 4, chiéu cao bang 3.

Loi giai tham khao
Goi x la canh cua day hop.
h la chiéu cao cua hop.
S (x) la dién tich phan hop can ma.
Khi d6, khéi lwong vang dung ma ti 1€ thuan véi S (x)
Tacé: S(x)= x* +4xh (1); V =2h=4= h=— (2). T (1) va (2), taco S(x)=2* +-2

x? X

Duya vao BBT, ta c6 S(x) dat GTNN khi x = 2.

Cau 41. Nguoi ta can lam mot hop theo dang mot khéi ling tru déu khong ndp véi thé
tich 16n nhat tr mot miéng tole hinh vudng c6 canh la 1. Tinh thé tich V' cua hdp can.

A.Vzﬁ. B.Vzi. C.Vzi. D.Vzﬁ.
8 27 27 11
Loi giai tham khao
Gia st moi goc ta cat di mot hinh vudng canh x - -1
| |
Khi d6 chiéu cao cua hop la x dm (0 <x< %J
va canh day ctaa hop la (1 - 2x) dm
vay thé tich cia hdp la V = x(1-2x)* dm’
Tacd: V'=1-8x+12x° | |
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2
x 0 1 1
6 2
1z n 0 i
v 2
0 0
Vay thé tich can im 13 V = % dm’.

w BAI TAP TU LUYEN v

Cau 42. Mot ngudi tho mudn 1am mot cdi thung hinh hop chir nhat khdng nap cé chiéu
dai ddy gdp doi chiéu rdng va co thé tich 10 m’. Gia tién vat liéu lam ddy thung la
10.000 dong /m*, vat liéu lam mit bén thuing 1a 5.000 dong/m*. Hay xac dinh kich thuwdc
thung (rong x dai x cao) d€ chi phi lam thuing la nho nhat.

AL x 2 d x5y (). B. |22 x2 /15 x5/16 ().
15 15 16 4 4 225
5 5
C. J15 x 2415 x = (m). D. V15 x 2415 x = (m).

Cau 43. Mot nha may san sudt may tinh vita lam ra x san phdm may tinh va ban vdéi gia
p=1000—x cho mdt san phdm. Biét rang tong chi phi d¢ lam ra x san pham la
C (x) = 3000 + 20x. Hoi, nha may can san xuat va ban bao nhiéu san phdm dé thu dwoc loi

nhuan tot nhat?
A. 490. B. 480. C. 500. D. 510.
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Cau 44. Mot cong ty danh gid rang sé ban duoc N 16 hang néu tiéu phi hét s6 tien la x
vao viéc quang cdo, N va x lién hé véi nhau bang biéu thic
N (x) =-x"+30x+6, 0<x<30 (x tinh theo don vi triéu dong). Tinh s6 16 hang 16n nhat
ma cong ty c6 thé ban sau dot quang cao va sd tién da danh cho viéc quang cao dé.

A. N(x)=231;x=15. B. N(x)=6;x=30.

C. N(x)=226;x=10. D. N(x)=13Lx=5.

Cau 45. Do giam huyét 4p cua mot bénh nhan duwoc cho boi cdng thic
F(x)= %xz (30 —x), trong d6 x la liéu lwong thudc dwgc tiém cho bénh nhan (x dwgc

tinh bang miligam). Tinh liéu luwong thudc can tiém cho bénh nhan d€ huyét ap giam
nhiéu nhat.
A. 20 mg. B. 30 mg . C. 40 mg. D. 50 mg.

Cau 46. Xét x,y la cac s thuc khong am thoa man diéu kién x +y =2. Tim gi4 tri nho
nhat cta biéu thire S = x*y* — 4xy.
A. min$ =-3. B. minS =—-4. C. min$ =0. D. minS=1.
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Cau 47. Xét x,y 1a cac sO thuc duwong thoa man diéu kiénx+y =2. DatS =xy + T
xy +

Ménh dé nao dudi day la ding?
A. Biéu thiic S khong o gia tri 16n nhat. B. Biéu thirc S khong co gid tri nho nhat.

C. minS:%. D. maxS=1.

Cau 48. Xét x, y la cac s6 thuc thudc doan [1;2] .Goi M, m lan luot la gia tri 16n nhat va

gia tri nhé nhat cua biéu thiee S =2+ Y Tinh M+m.
y X
A.M+m:g. B.M+m=4. CM+m=—. D.M+m=3

Cau 49. Xét x, y la cac sO thuc thudc ntra khoang (0; 1] thoa man diéu kién x+y =4xy.

Dat S =x” + y*. Ménh dé nao dudi day la diing?
A. Biéu thirc S khong c6 gia tri nho nhat. B. maxS = %

C. Biéu thiec S khong c6 gia tri 1én nhat. D. minS=0.
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____________________________________________________________________________________________________________ 2 +6ry)
X+ 2xy + 3y

Céu 50. Xét x, y 1a cdc sO thyc thdoa man diéu kién x* +y> =1. Dat S=

Ménh dé nao dudi day la ding?
A. Biéu thitc S khong c6 gia tri nhd nhat. B. minS=-6.
C. Bi€u thitc S khong c6 gia trilon nhat. D. maxS=2.
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». Dang 18. Tim phuong trinh tié€m can ngang, tiém
can dirng

Cau 1. Tim phuong trinh cdc duwong tiém can ngang ctia d6 thi ham s6 y = ix _i .
X+
2 2 1 1
A x=—. B.y=—. Cx=——. D.y=——.
3 73 3 773
Loi giai tham khao
Tacod limy = 2 limy = 2 =>y= 2 (TCN)
x—>—00 Y 3 g y 3 y 3 ’
Cau 2. Tim phuong trinh cac duwong tiém can ngang ctia d6 thi ham s6 y = 2l
- - | Jax* +3
A y=1. B.y=2vay=-2. Cy=2. D.y=1vay=-1.

Loi giai tham khao
Taco limy=2;limy=-2.

X—>+0 X—>—0

Cau 3. Tim phuong trinh cac dwong tiém can ngang ctia d6 thi ham s6 y =

x—2
Vax* +x+1

1 1 1
Aly=—vay=——. B.y=2. Cy=—. D. y=0.
y=5Vvay=-3 Yy ¥Y=1 Yy
Loi giai tham khao
x=2 - 1
Ta co li@yzlirplei@ X :iE.
_ TVA ] lxl 4+1+i2
X X
A . s . \ N 2x +1
Cau 4. Tim phuong trinh cac duong tiém can cua do thi ham s6 y = o
—X+
A.x=2,y=2. B. x=2,y=-2. Cx=-2y=-2. D.x=-2,y=2.
Loi giai tham khao
Vi limy=Ilimy=-2, limy=+0w; limy=-w
X—>—00 X—>400 x—2" x—>2"
Cau 5. Tim phuong trinh cdc duong tiém can ctia d6 thi ham sd y = —31x.
X+

A.x=1vay=2. B.x=-1lvay=-3. Cx=-3vay=-1. D.x=2vay=1.

Loi giai tham khao

+) lim y = -3 khi x — 4o +) limy = o0 khi x —(-1) .
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CAu 6. Tim phurong trinh cic dudng tiém cin ctia 6 thi ham s& v = ‘;x i i .
x p—
1 1 1 1
A y=2,x==. B.x=2,y=—. C.x=—,y=-4. D.y=2,x=——.
/ 2 2 2 Y Y 2
A n \ 4 \ A A 2 AVN . \ A 2X - 3
Cau 7. Tim phuong trinh cac duong tiém can cua do thi ham s6 y = 5
X+

A. Co6 tiém can duing la x = -2 va khong c6 tiém can ngang.

B. C6 tiém can ngang y = -2 va khong co tiém can ding.

C. Co tiém can dung la y = -2 va tiém can ngang x=2.

D. C¢ tiém can dung la x = -2 va tiém can ngang y = 2.
Cau 8. Tim phuong trinh cdc duwong tiém can ngang ctia d6 thi ham s y = 5 — 31 :

X+
1 1 1 1
A x=— B. x=——. Cy=— D.y=—.
2 2 177 I72
A . . . \ A CEw s L n 2x+1
Cau 9. Tim phuong trinh cac duong tiém can ngang ctia d6 thi ham s6 y = T
x f—
A . y=1. B. x=2. Cy=2. D. x=1.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |l




Cau 10. D5 thi ctia ham s6 nao dudi day nhan duong thang x =1 1am tiém can dtng?

2x% +3x+2 2x -2 1+x 1+ x?
A y=—"-—"-——. B. y= ) C.y= ) D. vy = )
Y 2—x Y x+2 Y 1-x Y 1+x
3x+1

Cau 11. Choham s6 y =

S - Ménh dé ndo duci day diing?
x p—

A . AY ~N Vé - A A \ 3
A. D6 thi ham s6 co tiém can ngang la y = 5

ST N A A N 3
B. D6 thi ham s6 ¢6 tiém can ding la vy =—.

2

ST N A A N 1
C. D6 thi ham s6 co tiém can ding la x = 5
D. D6 thi ham sd khong c6 tiém can.
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w Dang 19. Tim m dé do thi ham sd co6 tiém cin
ngang, tiém can dirng thoa diéu kién cho trudc

(m2 +m)x—1

Cau 12. Tim tat ca cac gia tri thuc ctia tham s6 m dé€ do6 thi ham s6 y = = co
x —
duong tiém can ngang qua diém A (—3; 2).
A m=-1vm=-2. B.m=1vm=-2.
Cm=1vm=2. D.m=-1vm=2.

Loi giai tham khao
Tiém can ngang cua do thi ham s8: y =m” +m

Tiém can ngang qua A(—3;2) >m=1vm=-2.

A N A, 2 /4 L4 . ? N A? AVN . \ ~ mx 14 - A A
Cau 13. Tim tat ca cac gia tri thiec cia tham s6 m dé do thi ham s6 y = co tiém can

2x +m
ding di qua diém A(—l; V2 )

A.m=-2. B. m=2. C.mz%. D.mz—l.

Loi giai tham khao
NA . \ ~ 7 - A A ’ \ _m
D6 thi ham s0 co tiém can ding la: x = -

Ma tiém can dtng di qua diém x=%:>x=—1:%:—l.

Cau 14. D6 thi ham s6 nao dwdi day ¢ tiém can ding x =1 va di qua diém A (2;5)?
_x+2 _ —3x+2 D _x+1

2x+1
A.y= . B. y= . C.y= . Y= .
Y x—1 Y x—1 4 1-x 4 x—1

Loi giai tham khao
+Vihams6 cO TChla x=1=d=-1
2a+1

+ Mat khac ham s6 di qua diém A(2,'5) néntacd: 5= 1 a=2
+Vay ham s6 c6 phuong trinhla: y = 2% +11 :
x —
" . M R B Q& ns , ~ 29 SR rilg TS ” 2x+m
Cau 15. Tim tat ca cac gia tri thiec ctia tham s6 m dé do6 thi ham so (Cm) Y= -
mx +

tiém can ding, tiém can ngang va cac tiém can cung vai hai truc toa do tao thanh mot
hinh chit nhat c6 dién tich bang 8.

A. m:ii. B. mzi%. C. m:ié. D. Khong c6 m thda man.

Loi giai tham khao
.. C oA A , 1 A A 2
Véi m=0, (Cm) c6 tiém can ding x = ——, va tiém can ngang y = —
m m

Dién tich hinh chi* nhat bang 8 = _hiz =8 < m? :l<:> m:il.
m||m 4 2
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A 5 o B B AR g , ~ £ SR g T8 o7 mx —2
Cau 16. Tim tat ca cac gia tri thuc ctia tham s6 m dé do thi ham s6 y = PR sao cho
X—m+

tiém can ngang ti€p xtic v4i parabol y = x* +5.
A.Khong cé gidtri m. B.m=5. C.m=6. D. Véi Vmm e R.

Loi giai tham khao
Dé (C,,) 6 tiém can ngang thi m(m—1)-2#0 < {m # L
" m#2.
Khi d6, phuwong trinh duong tiém canngang la d:y =m.

d ti€p xtic v6i parabol y=x*+5< m=5.

= BAITAP TU LUYEN v
x> —4+m

Cau 17. Tim tat ca cac gia tri theec ctia tham s6 m d€ d6 thi ham s6 y = Y co tiém
x —

can ding x =2.
A.m=1. B. m=-1. C.m=2. D.m=+1vam=2.

Cau 18. Tim tat ca cac gia tri thuc cta tham s6 m d€ d6 thi ham s6 y = co tiém can.

x—m
A.m=1. B. Vi moi m. C.m=0. D. Khong co m.

Cau 19. Tim tat ca cac gia tri thiec cia tham s& m d€ d6 thi ham s6 y = — — chico
x°=3x+m
mot tiém can ding.
A. Vm. B. m=1/2. C.m=2. D. Khong co m.
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N S , ~ N BA e s o x*+3x+6 , .,
Céu 20. Tim tat ca cac gia tri thyec cua tham s6 a dé d6 thi ham s6 y=————— co
X" —ax+a

mot duong tiém can ding.

= =1
A a=1. B.a=2. C.[a 0O D.[” .

A N A~ 2 /4 .7 . 2 ~ A? A . \ N x 3 14 .
Cau 21. Tim tat ca cac gid tri thyec ctia tham s6 m dé do thi ham s6 y = ﬁ c6 hai
mx”~ +2

tiém can ngang.

A.m=0. B. m>0. C. m<0. D.m=-1.
o . M e , ~ J ~ x+m-—1 N ,
Cau 22. Tim tat ca cac gia tri thwec ctia tham s6 m dé do6 thi ham s6 y = —1 khong co
x_

tiém can ngang.
A. Véimoi m. B. m=0. C.m=1. D. Khong co m.

A S , ~ N BA s A x—1 C 1
Cau 23. Tim tat ca cac gia tri thyee cua tham s6 m dé d6 thi ham s6 y =———— c0 hai

X" +x—m
duong tiém can dung.
1
- >_ =
A.Moi meR. B.."” 7. c.!"=714. D. m#2.
m#2 m#2
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2x -3

Cau 24. Tim s6 tiém can ngang ctia d6 thi ham s y =

A. 3. B. 2. C.1. D. 0.
Loi giai tham khao

Vi lim y =-2;lim y =2 nén d6 thi ham s0 ¢ 2 duong tiém can ngang.
X—>+0

X—>—0

, : Sy 5 3x+1
Cau 25. Tim s6 duong tiém can ngang ctia do thi ham s6 y = .
Va? +1
A. 0. B. 1. C. 2. D. 3.

Loi giai tham khao

Vi lim 22t g gy X

X—>+00 [x2+1 X—>—0 /x2+1

= -3 nén d6 thi ham s6 c6 2 duong tiém can ngang.

Cau 26. Tim s6 tiém can ctia d6 thi ham s6 y = _11 .
X+
A.0. B. 2. C.1. D. 3.

Loi giai tham khao
D06 thi ham sO ¢6 tiém can dung x = -1, tiém can ngang y =0.

Cau 27. Tim s6 tiém can ctia d6 thi ham s6 y = >
x —

A. 0. B. 2. C. 3. D. 1.
Loi giai tham khao
Tacéd limy=0=TCNy=0; 1irr21y:oo:>TCD x=2.

x—>to0
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= BAITAP TU LUYEN v

Cau 2. Tim 53 tiém cin cita dd th ham s y = >
x —
A. 0. B. 2. C.3. D. 1.
Céu 29. Tim 55 tiém can ctia d6 thi ham s5 y = 22— 1
x J—
A. 1. B. 2. C. 3. D. Khong c6 tiém can.
2
Cau 30. Tim 53 tiém cin cita dd thi ham 56y = =2 L
x J—
A. 0. B.1. C.2. D. 3.
A A A et x> +1
Cau 31. Tim s0 tiém can ctia d6 thi ham s6 y =
X
A. 0 B.1 C.2 D.3
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Cau 32. Cho ham s6 y=———
xX"—x-6

A. D6 thi ham s6 c¢6 1 tiém can ding va 1 tiém can ngang.
B. D6 thi ham s8 c6 2 tiém can diing va 1 tiém can ngang.
C. D06 thi ham s6 c6 2 tiém can ngang va 1 tiém can dung.
D. D6 thi ham s khong c6 tiém can.

. Ménh d@ nao dudi day 1a diing?

Céu 33. Tim 56 tiém can ctia d6 thi ham s§ y =~ 34’“
x —_
A1 B.2. C.3. D. 4.
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Cau 34. Ménh dé nao dudi day la sai?
A.Hams6 y=x"+3x-2 dongbién trén R.

B. D0 thi ham s8 y = 3x* + 5x* — 1 cat truc hoanh tai 2 di€ém phan biét.

CNB0 i Dl e

> c6 2 duong tiém can.
x pa—

A . N A 2x + 1 A o o« A? . \ N A \ A Ao 7
D. D6 thi ham s6 y = nhan giao diém hai duwong tiém can la tam doi xing.

Loi giai tham khao

D6 thi ham s6 y = 2x+1 c6 3 duong tiém can (y =0;x= il).

x? —
Cau 35. Bang bién thién sau day la cia ham s6 nao?
X —00 2 +00
y _ _
y 1 +00
2x —1 x—1 x—3 x+1
A.y= . B. y= . C.y= . D. y= .
Y x+1 Y x+1 4 x—2 Y x—2

Loi giai tham khao
Dua vao bang bién thién ta thay:
+Tiém can ding la x=2.
+ Tiém can ngangla y =1.

+y' <0

x+1
x—2
cach tir diém d6 dén hai tiém can la nho nhat.

A. (1;-2). B. (1+\/§;1+2@].
C. (1—@;1—\/5). D. (2+J§;1+J§) va (2—@;1—@).

Céau 36. Cho d6 thi ham s6 y = (C). Tim céc diém trén (C) sao cho tong khoang

Loi giai tham khao
+TCD: x=2 (d,) va TCN: y =1 (d,)
+ M(x;y)e(C)

+ Ta co:
d(M,d,)+d(M,d,)=|x-2|+|y-1|
=|x—2|+ x+1—1‘=\x—2\+ 3 1523
x—2 X —

x=2+\/§
x:2—\/§

+Dau bang xay ra < ‘x - 2‘ =

3
x2‘<:>(x—2)2—3<:{

+Vay M, (2+V3;1++3) va M, (2-43;1-43).
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Cau 37. Goi I la giao diém cua tiém can ngang va tiém can dung ctia d6 thi ham s6

_OmHDIT2 e 1 thude dudng thing nio dudi day?
xX+m
A.y=-3x-1. B. y=-3x+1. C.y=3x+1. D. y=3x-1.
Loi giai tham khao
4
bé (Cm) cd tién can ding va tiém can ngang thi(3m + 1) (—m) +4#0& mz 3
m#1

Khi d6 phrong trinh duong tiém can ding la x = —m va tiém can ngang la y =3m +1.

Toa dd diém I 1a I(-m; 3m+1) =y, =-3x,+1 = leA:y=-3x+1.

A S B A i s A A oS xX+2 . .
Cau 38. Tim tat ca cac diem M trén do thi (C ) ctia ham s y = sao cho khoang cach

x_
tte M dén tiém can ding cua bang khoang cach tit M dén truc Ox.
(3+x/7 1+\/7J (3 «/7 = \/7}
A. M >
BM(3 f1+f],M(3 \/712(}
CM(3+J7 1+WJ
o.

3W1WJ

Loi giai tham khao
Goi M(x;y), d6 thi ham s6 c6 tiém can déng A:x—-1=0.Ta ¢ d(M,A) = d(M,Ox) )

Vit +x

x—1
A. D0 thi ctia ham s da cho khong c6 tiém can dung.

Cau 39. Choham s6 y =

. Ménh dé nao duéi day la ding?

B. D6 thi ciia ham s& da cho c6 mét tiém can ngang.
C. D0 thi cia ham s da cho c¢6 hai tiém can ngang la x=-1 va x=1.
D. D6 thi cua ham s6 da cho ¢6 hai tiém can ngang la y=-1va y=1.

Loi giai tham khao
TXD: D=R\{1}

1
142 —x(\/ﬂx]
lim y = lim X~ lim = -1 nén d6 thi ham s6 c6 TCN la y = -1.
x—>—00 T ey | X—>—00 x—1
/ 1
‘x‘ 1+= .X'( 1+x]
lim y = lim X - lim—1:1 nén do6 thi ham s6 c6 TCN la y =1.
X—>+00 X—>+00 x f— X—>+00 x J—
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Cau 1. Puong cong hinh bén la d6 thi cia mot trong bon ham sd dwdi day. Ham s6 d6 la

ham s6 nao?
4

A . y=x"-3x+2. B.y:xz—2x2+2.
2x -1 1-2x
C. = . D. = .
J x+1 J x+1

|

Loi giai tham khao
Vi ham s0 nay la ham nhat bién tang trén titng khoang xac dinh.

Céu 2. D0 thi nao sau day la d6 thi cia ham s6 y = —x* +2x* —1?

A. B. C.

R M 1

Loi giai tham khao

=0
y=—x' 120 1,y = +Ax =0 |
x==1
BBT:
X —00 —1 O +00
y/
y

D6 thi ham s6 qua cac dlem

Cau 3. Duong cong hinh bén 1a d6 thi cua mot
trong bon ham s0 dudi day. Ham s6 d6 la ham s6
nao?

A.y=x"-3x-1. B.y=-x"+32"+1.

A\

C. y=x"—3x+l. D. y=-x"-3x>-1.

Loi giai tham khao
Dua vao d6 thi ham sé ta suy ra bang bién thién
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-0 X, X, +00
' + 0 — 0 +
y /v 3 \ /
-1

- Ta thay hé s6 a > 0 va giao diém véi truc Oy la (0; 1) )

Céu 4. D6 thi sau day la ctia ham s6 y = —x* +4x*. Tim céc gid tri thwc ctia tham s§ m d€

phuong trinh x* —4x* + m—2 =0 c6 bon nghiém phan biét.
A.0<m<4. B.0<m<4. C.2<m<6. D.0<m<6.
Loi giai tham khao

x4t +m-2=0c —x"+4x* =m-2
Dé PT c6 4 nghiém phan biétth1 0<m-2<4 < 2<m<6.

Cau 5. Puong cong hinh bén la d6 thi ciia mot trong bon ham s6 dwdi day. Ham s d6 la
ham s6 nao?
_x+2 x+1 x+2

2x+1
= . B. . C.y= . D. y= .
x—1 Y x—1 Y x—1 Y 1-x

Loi giai tham khao
\

Ay

Cau 6. Duong cong hinh bén la d6 thi ciia mot trong bon ham s6 dwdi day. Ham s d6 la

ham s6 nao?
3

A y=-24x241. B.y=x>-3x+1.
y=-3 y

C.y=-x"+3x"+1. D. y=-x"-3x"+1.

Loi giai tham khao
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Cau 7. Buong cong hinh bén la d6 thi cia mot trong bon ham sd dwdi day. Ham s6 d6 la
ham s6 nao?

A. y=x"+3x. B. y=-x"-3.

C.y=-x"-3x. D. y=x"-3x.

Loi giai tham khao

2

-2/ 1 )

1 O 2

-2

P06 thi ham s8 cit truc hoanh tai 3 diém phan biét.

Cau 8. Duong cong hinh bén la d6 thi cia mot trong bon ham sd dwéi day. Ham s6 d6 la
ham s6 nao?

A y=—x"+2x+2. B. y=x"-2x+3.

C.y=x'-2x"-3. D. y=-x"-2x+3.

Loi giai tham khao

Puong cong la d6 thi ham trung phuwong, d6 thi c6 dang di xuéng — di 1én — di xuéng —
dilénnén hé sd a>0.

Cau 9. Buong cong hinh bén la d6 thi cia mot trong bon ham sd dwdi day. Ham s6 d6 la
ham s6 nao?
A. y=2x"-3x-2. B. y=-2x"+3x*-2.
C.y=2x"-6x-2. D. y=-2x"-3x"-2.

Loi giai tham khao
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“y

TXD: D=R. Tacéd: lim y = —o0; lim y = 4+

X—>=00 X—>+00
Vi d6 thi la cta ham s6 bac 3 nén: hé s6 a >0

Dua vao cac dap an, taloai di2 dap an B, D

Nhin vao db thi, ta thdy: y' =0 < [x
X =
Cau A: y'=6x"—6x;'=0 khi x=0;x=1

CauC: y'=6x"—6;y'=0 khi x==1.

Cau 10. BDuong cong hinh bén la d6 thi cia mét trong bon ham s6 dwéi day. Ham s6 d6 la

ham s6 nao?

A.y=x"-3x+1. B.y=x"+3x+1.

C.y=-x"-3x+1. D. y=-x"+3x+1.

Loi giai tham khao
AY

1

i .
[ o x

va cat truc hoanh tai 1 diém nén chon

Dua va do thi ta thdy ham s6 dong bién trén R

dap an B.
Cau 11. Buong cong hinh bén la d6 thi cia mét trong bon ham s6 dwéi day. Ham s6 d6 la

ham sb nao?

A.y=x"-3. B.y=-x"+6x-2. C.y=-x"+1. D. y=x"-3x+1.
Loi giai tham khao
¥
] I

1

/ i
I X

D06 thi cua ham s6 ludn dong bién nén a >0 va y' =0vo6 nghiém hoac c6 nghiém kép.
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Cau 12. Buong cong hinh bén la d6 thi cia mét trong bon ham s6 dwdi day. Ham s6 d6 la
ham s6 nao?

A. y=x"+3x". B.y=-x"-3x. C.y=x"-3x". D. y=-x"+3x%.
A
vV
T
ad 123 -

Loi giai tham khao
Ham s8 nghich bién = 2 < 0. D0 thi ham s8 di qua (2;4) = y = —x° +3x°

Cau 13. Puong cong hinh bén la d6 thi cia mét trong bon ham s6 dwdi day. Ham s6 d6 la
ham s6 nao?

A y=-x"+3x>-4. B.y=x"-3x"+4. C.y=x"-2x"-3. D.y:x—l.
X+

Loi giai tham khao

(Dang d6 thi ham s6 bac 3 c6 hé sd 2 <0).

Cau 14. BPuong cong hinh bén 1a d6 thi cia mot trong bon ham s6 dwdéi day. Ham s6 d6 la
ham s6 nao?
A.y:x—+1. B.yzx—_l. 5 x+1. 1—x.
x-1 x+1 1-x x+1

Loi giai tham khao

X

M 3 2 j /1 2
4

/

Cau 15. Duong cong hinh bén la d6 thi cia mét trong bon ham s6 dwdi day. Ham s6 d6 la
ham s6 nao?

A.y:‘x‘3+3‘x‘. B.y:‘x3+3x‘.

C.y:‘x""—?;‘x‘. D. y:‘x3—3x‘.

Loi giai tham khao
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Do thi ham s6 (C):y = x* —3x ¢6 hinh dang

Db thi ham s6 nhu hinh vé 1a d6 thi cia mdt ham s8 \

Chan c6 ntra nhanh bén phai giong do thi (C) nén

D0 thi nhw hinh vé 1a d6 thi ctia ham s6 y = ‘x3‘ — 3‘x‘ )

Cau 16. Puong cong hinh bén 1a d6 thi cia mot trong bon ham s6 dwéi day. Ham s6 d6 la
ham s6 nao?

A y=x"-3x"-1. B.y=—%x4+3x2—1.

C.y=x'+2x"-1. D. y=x'-2x>-1.
Loi giai tham khao

:

YA

Nhin vao d6 thi ta thdy d6 thi ham s6 quay bé 16m 1én trén . Pap an B loai

Ham s6 chi c6 mot cuc tri la (O; —1).

Cau 17. Buong cong hinh bén 1a d6 thi cia mot trong bon ham s6 dwéi day. Ham s6 d6 la
ham s6 nao?
:2x+1. B.y:x_l. C.y:x+2. D.y:x+3.

x+1 x+1 x+1 1-x

Ay

Loi giai tham khao
44

::::'2/“==

Nhin vao d6 thi nhéan thay do6 thi c6 TCN y =2, TCD x=-1 vaquadiém x=0=y=1.

Cau 18. Chohams6 y = f (x) xac dinh va lién tuc trén R va c6 bang bién thién nhu sau:

-0 O 1 +00
y' + 0 + 0 -

o™ O\
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Ménh dé nao sau day la diing?
A. Ham s6 khong ¢6 cuc tri.
B. Ham s8 c6 gid tri cuc tidu bang 3.
C. Ham s8 c6 gia tri 16n nhat bang 3 va khong c6 gia tri nho nhat.
D. Ham s0 dat cuc tiéu tai x =0 vadat cuc daitai x=1.

Loi giai tham khao
TXD: D =R.

ST x=0
Ta co: hmy:—oo;y’:0<:>{
X

BTT:

X | -00 0 1 +00

= maxy =3; khong c6 GTNN.

Cau 19. Buong cong hinh bén la d6 thi cia mét trong bon ham s6 dwéi day. Ham s6 d6 la
ham s6 nao?

A y=—x"+2x"-3. B.y=-x"+2x". C.y=x'-2x. D.y=x"-2x"-3.
Loi giai tham khao
y
2
1

A

D6 thi ham so cé 3 diém cuc tri co toa do (O; 0), (—1; —1), (1; —1) thoa man ham so

y=x'-2x7.
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CAu 1. Biét rang duong thang y = 2x — 3 cat d6 thi ham s§ y = x° + x> +2x -3 tai hai diém
phan biét A va B, biét diém B c¢6 hoanh d6 am. Tim x,, .

A. x, =0. B. x, =-2. C. x, =-1 D. x, =-5.

B

Loi giai tham khao
Phuong trinh hoanh d giao diém: x° +x* +2x—-3=2x-3 < x*(x+1) =0 c6 nghiém am

x=-1.

Cau 2. Tim s8 giao diém ctia d6 thi ham s6 y = x* —2x* + x —1 va duong thang y =1-2x.
A. 0. B. 1. C. 2. D. 3.

Loi giai tham khao
Giai phuong trinh x* —2x* +x-1=1-2x < x =1 nén dudng cong va duong thang cat
nhau tai 1 giao diém.

w BAI TAP TU LUYEN v

Cau 3. Biét rang do thi ctia ham s8 y = x> —3x* —2x cit dwong thang y =-2x -2 tai ba
diém phan biét. Ki hiéu ba diém d6 1a A(x;y,), B(x,;y,) va C(x,;y,). Tinh tong

S=x+x,+x,.
A S=2. B.S=3. C.S5=1. D. S=243.

Cau 4. Biét rang duong thang y = -5x+6 cat d6 thi ham s§ y=x*+x+6 tai diém duy

nhat (xo ; yo). Tim y,.
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Cau 5. Db thi ham s8 y = x° —3x +2 cat truc hoanh tai 2 diém c6 hoanh d6 x,; x,. Tinh

tong x, +x,.

A x +x,=2. B. x, +x,=0. C.ox +x,=-1. D. x, +x,=-2.

Loi giai tham khao

Phuong trinh cho hoanh d6 giao diém: x> -3x+2=0< 5
X =-

Khi dé: x, +x, =-1.

Cau 6. Tim tat ca cac gia tri thuc cta tham s6 m d€ d6 thi ham s6 y =m cit d6 thi ham sé
y=x"—3x+2 tai ba diém phan biét.
A.0<m<4. B. m > 4. C.0<m<4. D. 0<m<4.

Loi giai tham khao

y':3x2—3:O<:>{x=1
x=-1
BBT
X —00 -1 1 +00
Y + 0 — 0 +
y ////x 4 \\\\‘ ////X
0

-Dé& duong thang y = m cat d6 thi ham s6 tai 3 diém phan biét khi 0 < m < 4.

Cau 7. Tim tat ca cac gia tri thwec ctia tham s8 m d€ d6 thi ham s§ y=x’ —3x* +1 cat
duong thang y = m tai ba diém phan biét.
A. 3<m<1. B. -3<m<1. C.m>1. D. m<-3.

Loi giai tham khao
Taco:y,=Ly,=-3 suyraA. -3<m<L

Céu 8. Tim tat ca cac gid tri thuc cua tham s6 m dé€ d6 thi ham s8 y=x° + mx® + mx +4
cat dwong thang y = x + 4 tai ba diém phan biét.
A m=2. B. m=1. C.m=4. D.m=2.

Loi giai tham khao
Phuong trinh hoanh do giao diém ctia hai dwong da cho la x° + mx> + mx +4=x +4
) x=0
<:>x(x +mx+m—1):0c> )
x“+mx+m-1=0 (*)

Pé hai deong da cho cit nhau tai 3 diém phan biét thi phwong trinh (*) phai c6 hai

m24(m1)>0©{(m2)2>0©{m¢2

m—-1#0 m=#1

nghiém phan biét khac 0 <
m—-1+0

Chon ddp an m =4.
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Cau 9. Tim tat ca cac gia tri thuc ctia tham s6 m d€ d6 thi ham s6 Cho ham s6
y= (x—l)(x2 +mx+m’ —3) cit Ox taiba diém phan biét.

-2<m<?2 2<m<?2
A. -2<m<2. B. 2<m<?2. C. . D. .

Cau 10. Tim tdt ca cac gid tri thwc cua tham s6 m dé do thi
y=x"—x"+ (m - 6) x —3m cat truc hoanh tai ba diém phan biét.

m< -1 m<1
A.m<1. B. m<-1. C. . D.

ham s&

Cau 11. Tim tat ca cac gid tri thuc ctia tham s6 m dé€ d6 thi ham s6 y = (x - 1)(x2 +x+ m)

cdt Ox taiba diém phan biét.

A.m>—i. B.m>% va m#2. C.m<l. D.m<i va m# 2.

A. 2. B. 3. C.0. D. 1.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc] |




Céau 13. Tim tat ca gia tri thuc ctia tham s6 m dé phuwong trinh x° —3x> ~m+1=0 c6 hai
nghiém.

i
A m<1. B. m>-3. C.[m . D. 3<m<1.
m=-3

Loi giai tham khao
=3 -m+1=0<x"-3x"+1=m
PT da cho la PT hoanh d¢ giao diém cua do thj (C): y = x° —3x” +1 va duong
thang y = m.
PT da cho ¢6 hai nghiém < (C ) va d c¢6 2 giao diém (*)

Xétham s6 y=x" —3x* +1

' 2 [ xZO
y'=3x"-6x ; y' =0
x=2
BBT X —o0 0 2 +o0
V! + 0 - 0 +
1 +00
Y / \ /

m=1

(e | nl

Céu 14. Tim t4t ca gid tri thwec ctia tham s m d€ phwong trinh x° —12x+m-2=0 c6 ba

nghiém phan biét.
A. -16<m<16. B. -18 <m <14. C.-14<m<18. D. 4<m<4.
Loi giai tham khao
Xéthams6 y=x"-12x=y =3x"-12
y’=0<:{x=2 :{yCT =-16
x=-2 |y, =16
Xét dwong thang y = 2— m. D& PT c6 3 nghiém phan biét thi diéu kién 1a

-16<2-m<l6=-14<m<18.
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Céau 15. Tim tat ca gia tri thyc ctia k dé€ phuwong trinh x° —3x = k c6 ba nghiém phan biét.
A 2<k<?2. B. 2<k<2. C.k>2. D. k<-2.

Céu 16. Tim t4t ca gid trj thuc ctia tham s8 m dé phuong trinh x° + 3x* = m ¢ ba nghiém
phan biét.
A.m=2. B. 0<m<4. C. m<O. D. m > 4.

Céu 17. Tim tt ca gid tri thwec ctia tham s6 m d€ phwong trinh x° =3x+2-m =0 co ba
nghiém phan biét.
A.O<m<4. B.0<m<4. C.m>4. D. m<0.

Céu 18. Tim t4t ca gid tri thuc cua tham s6 m d€ phuong trinh x° - 3x = 2m ¢ ba nghiém
phan biét, trong d6 c6 mot nghiém thudc khoang (-1;0).
A.0<m<?2. B. -1<m«<1. C.2<m<2. D. 0<m<1.

Loi giai tham khao
Ttr d6 thi ham s6 y = x° - 3x.

Tt d6 ta c6 két qua thoa man yéu cau bai toan la
0<2m<2<0<m<1.
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Céu 19. Hinh bén 1a d6 thi ham s8 y = x> —3x. Tim t4t ca gia tri thyc cua tham s6 m d€
S 3 2 2 2 z A
phuong trinh 64‘x‘ = (x T 1) (12‘x‘ T m(x TF 1)) c6 nghiém.

A. 2<m<2. B. V.
C.m=>0. D.m>2.

Loi giai tham khao

3
642 ~12[x|(x* +2) = m(x* +1) = |x243+c2| —3|x24i1| —m (%)

1.54 y=m

X 4 A A N 4 2 \ \ A? u;
bat t = ot ,te [0;2] . Yéu cau bai toan tro thanh: tim m dé ‘ ‘ /

2
05 15 2

x-+1

-0.51

phuong trinh £* — 3t = m 6 nghiém nam trong doan [0;2] .vedo

1.5

thi ham s6 y = t* — 3t trén doan [O; 2] . Tt d6 ta co két qua thoa

man yéu cau bai toanla -2<m<2.

Cau 20. Tim tit ca giad tri thuc cta tham s§ m d& duong thang duong thang
d:y=mx—3m cat do thi ham s§ (C):y=x’—3x tai ba di€m phan biét c6 hoanh do lan
luot 1a x,, x,, x, thoa man diéu kién x7 + x; + x5 =15.

3 3

A.m=—. B. m=——. C. m=3. D. m =-3.
2 2

Loi giai tham khao

Phuong trinh hoanh do giao diém ctia d va (C): : v r'
x=3 \ _
=3 =m(x-3) |, \ 21 ;
x*=3x-m=0 (2) - \ ' ,
Khi d6 x, =3, x,,x, 1a cdc nghiém cta (2) voi diéu kién L A\ . - : -'J'. N
9 2\ -1 O\ 1 {2 =x
9+4m >0 m>—= _ .
0 < 4 2t
m= m#0 o

Suy ra x +x,> +x,> =15 < 3% +(x, +x3)2 —2x,x, =15©m:—%.

Céu 21. Hinh bén dwdi la do thi cia ham s6 y = x° —3x. Tim tat ca gia tri thyc ctia tham
s6 m dé€ phwong trinh ‘x3 —~ 3x‘ =m’ c6 ndm nghiém phan biét.
A.me(—\/E;O)U(O;\/E). B.me(O;\/E).

C. me(-2;0)u(0;2). D. me(0;2).

Loi giai tham khao
Tlr d6 thi di cho, ta suy ra do thi ctia ham s6 y = ‘xS - 3x‘ . v

Te d6 ta c6 két qua man yéu cau bai toan

0 < m? <2<:>me(—\/5;0)u(0;\/5).
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Céu 22. Tim s6 giao di€ém ctia d6 thi ham s8 y = —x* —2x* —1vdi truc Ox.
A. 1. B. 2. C. 3. D. 0.

Loi giai tham khdo
Phuong trinh hoanh d6 giao diém —x* —2x" ~1=0 < —(x* + 1)2 =0 (v6nghiém)

Suy ra s6 giao diém ctia ¢ thi ham y =—x* -2x* -1 vatruc Ox1a 0.

Céu 23. Tim tat ca gié tri thuc cua tham s& m d€ d6 thi ham s6 y =x* + mx® +1 ti€p xtc

v6i truc hoanh tai hai diém phan biét.
A . m=-2. B. m=2. C.m=1. D. m=-1.

Loi giai tham khao

y'=4x’+2mx, y'=0<| |, m

NA . - A 7 r. \ . . - A? A - A . \ m 14 .
D0 thi tiép xtc véi truc hoanh tai hai diém phan biét khi phuwong trinh x* = —5 © hai

nghiém phan biét x:i1/—% thoa y[i,f—%]:().
4 2 ’ )
Suyra m<0 va: (iJ—%J +m(i,/—%} +1:O®%—%+1:0©m2:4©m:i2

Vay m =2 thdéa yéu cau.

Cau 24. Tim tat ca gia tri thuc cta tham s§ m d& d6 thi ham s§ y = x* +2mx® —m—1 cat
truc tung tai diém co tung d6 bang 2.
A. m=-3. B. m=3. C.m=2. D. Khong co gid tri m.

Loi giai tham khao
Thé x =0, y =2 vao PT do thi.

Cau 25. Tim tat ca gia tri thuc cia tham s6 m d&€ dwong thang y=m cat d6 thi ham s&
y=x"-2x* +3 tai bon diém phan biét.
A. -1<m<1. B.2<m<3. C.0<m<1. D. -1<m<Q0.

Loi giai tham khao
y’=4x3—4x, Y=0x=0;x=-1, x=1.
y(0)=3; y(1)= y(-1)=2.
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Cau 26. Tim tét ca gid tri thuc cia tham s6 m d€ do thi ham s6 (C, ):y =x* —mx® +m -1

cit truc hoanh tai bdn diém phan biét.

m#2

m>1 . ,
A. { B. Khong c6 m. C.m>1 D. m#2.

Loi giai tham khao
Phuong trinh hoanh d giao diém cua (C,, ) va Ox la: x* —mx* +m—1=0 (1).
t=1
Djt t =x%, t > 0. Khi d6 ta duoc phuong trinh: (2): £ —mt +m-1=0< L X
=m —

m#2

m-1>0 m>1
=
m-1=1

Yéu cau cua dé bai < (2) c6 hai nghiém duwong phan biét < {

Céu 27. Tim tat ca gid tri thuc cua tham s& m d€ phuong trinh x* —3x* +m=0 ¢ bon
nghiém phan biét.

A.1<m<1—3. B.O<m<2. C.—2<m<0. D.—1<m<1—3.
4 4 4 4

Loi giai tham khao
-3 +m=0< —x*+3x*=m

~ _ 4 2
Xéthams6 ¥ =—X +3x

TXD: D =R.

y' =—4x° +6x
x=0=y=0

Y =0 -4x" +6x=0< 3 9
x:i\g:y=z

Phuong trinh ¢6 bon nghiém phan biét < CT <m<CDb & 0<m < %
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x—1
2x+1
A. (1,1),(-12). B.(1,0),(-L2). C.(-10),(1;2). D.(1-2).
Loi giai tham khao
Phuong trinh hoanh d giao diém:
x-1=(2x+1)(=x+1) [2x*+2=0 {x_lj(ll.z)

x;t_l < x;t—% x:1:(1;0)

2
= BAITAP TU LUYEN v

Cau 29. Tim toa do giao diém M cua d6 thi ham sd y = ad

Cau 28. Tim toa do giao diém cta d6 thi ham s6 y = vay=-x+1.

va truc tung.

2x +1
A. M(4-2). B. M (4;0). C. M(0;,—4). D. M(0;0).
Cau 30. Tim toa do giao diém M cua d6 thi ham sd y = X - 2xz— vay=x+1
= X
A. M(2;2). B. M(2;-3). C. M(-1,0). D. M(3;1).

Cau 31. Goi M, N la giao diém ctia dwong thang y=x+1 va duong cong y = 2x +14.
x_
Tim hoanh d¢ trung diém I ctia doan thang MN .
A. —E. B. 1. C. 2. D.E.
2 2

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc] |



e e e e e e ) e '
Ciau 32. Hinh dudi day la do6 thi caa ham s6 \\ yo 2X1
x-1
= 2x+ 1. Tim tat ca cac gia tri thue cta tham s& m N
x-1 [
‘--..----
. o 2x+1 s A A 1A C
dé phuwong trinh m =m c6 hai nghiém phan biét. =2
X — e
~ :
A.m>2. B. Khong co gia tri caa m. —\ o 5>
C.m>-2. D. V6i moi m. \\
\ ‘
A s T 2x+1
Cau 33. Hinh bén la d6 thi cia ham s y = T Tim
x f—
tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh
[2x+1] VU
~ 1 3m -1 co6 hai nghiém phan biét.
X — - 1
1 1 N ]
Al ——<m<—. B. Khong co m. \O
3 3
C.m>1. D. -2<m<Q0.
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cau34fﬁnhk@nladBﬂucuahmnss3/:2x+f.Tnnﬁﬁca ; \\\\\\
x p—
cdc gia tri thuc coa tham s§ m d€ phwong trinh
.
[2x +1] U
=2m c6 hai nghiém phan biét. .
‘x - 1‘ o1
A.V6imoi m. B. Khong c6 gia tri caa m.
C.m>0. D.me(0;+oo)\{1}. ¥=1

Céu 35. Tim gia tri thic ctia tham s& m d6 thi ham s6 y = ;nx -1
X+m
A. -1. B. 2. C. 2. D. 1.

di qua diém M (-1;0).

Cau 36. Tim tat cac gid tri cia m d€ duong thang y = x—m cat d6 thi ham s6 y =

tai hai diém phan biét .
A.m=1. B. m<1. C.m>1. D. Vm.

Cau 37. Tim tat ca cac gia tri thuc cta tham s6 m d€ duong thang y = m—2x cat do thi

hémsé’y:z n
X+

A. \m\>4. B. \m\<4. C. \m\z4. D. \m\s4.

tai hai diém phan biét.
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Cau 38. Tim toa d¢ diem M thudc d6 thi ham sd y = Lx;-?) sao cho M cach déu hai
-x+

truc toa do.

A M l;2 . B. M g,'—g . C M —g;E . D. M —1;2 .
2 2 2 22 2

Loi giai tham khao

2 _ 2 _
Goi M m;w Khi d6 ‘m‘zw =§ M él_é
-m+1 -m+1 2 2 2
Cau 39. Tim toa d¢ diém M thudc d6 thi ham sd y = al _:i sao cho diém M cach déu hai
X+
truc toa do.
A. M(-2;5). B. M(1;-1). C. M(3;-3). D. M(Z;—lj.
3

Loi giai tham khao
m-3
m+1

m-23

Goi M(m; j &(C),m=-1.Khid6 d(M,Ox)=d(M,Oy) < |m| =‘

m=1
b= .
m+1 m=-3

Cau 40. Goi M va N lan luot 1a hai diém thudc d6 thi ham s0 y = X - va cach déu hai
X+

diém A(Z;O) va B(O; —2) . Tim toa d¢ trung diém I ctia doan MN.

A. I(-1;1). B. 1(0,-—%) C. 1(0,-%). D. I(-2;2).

Loi giai tham khao

Gia st M (x;y). Khi d6 MA = MB < \[(x—2) +y* =[x +(y+2) < y=-x.

_ - =1
Honnfra,Me(C)@M x;x 3 .Suyrax 3=—x<:> : .
x+1 x+1 x=-3

Tim dwoe M(1;-1), N(-3;3) = I(-1;1).

X

C4u 41. Cho do6 thi (C ) Yy = . Goi M la diém thudc (C ) sao cho khoang cach tt M

x+1
dén duong thang d:3x+4y =0 bang 1. Hoi ¢ tat ca bao nhiéu diém M thoa man diéu
kién dé bai?

A. Co 4 diém. B. Khong c6 diém nao.

C.Cé6 2 diém. D. C6 v0 s diém.

Loi giai tham khao

m
3m+4——: 2
3 7
GoiM(m; m ]G(C).Khidé d(M;d) = md] [ +7m
m+1 5 5Im+1l|
d(M;d)=1<:>‘3m2+7m‘:5lm+1l<:>me{_6i—321;1;—§}.

Vay c6 bon diém M thda man dé bai.

100
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Ciu 42. Tim tat ca cac gia tri thuc ctia tham sd m d€ phuong trinh

3x-2 3m-2
x+1 m+1

chi cé

mot nghiém.

A.Véimoi m. B. m=-1.
C.m= i D. Khong co gia tri nao cua m.

Cau 43. Tim tat ca cac gia tri theec ctia tham s6 m dé duong th:fmg y=-x+m cat d6 thi
2x+1

x+2
A.-1<m<4. B. -1<m hoac m>4. C.m=4. D. meR.

ham s6 y = tai hai diém phan biét.

Cau 44. Goi M, N la giao diém ctia dwong thing y=x+1 va duong cong y = 2x +14 .
Tim hoanh d¢ trung diém I ctia doan thang MN .
A. xlz—g. B. x, =1. C. x, =2. D. xlzg.
101

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc] |




CAu 45. Tim gid trj thuc ctia tham s6 m dé duong thang y = —x +m cat d6 thi ham s3

_ +21 tai hai difm A, B sao cho d6 dai AB nho nhat.
X+
A.m=1. B.m=2. C.m=3. D. m=-1.
Loi giai tham khao

Phuong trinh hoanh d6 giao digm: 2

— :—x+m<:>x2+(4—m)x+1—2m:0 (*)

Vi Ay = (m - 2)2 +8 >0 va -2 khong phai la nghiém phuong trinh (*) nén do thi hai
ham s6 ludn cat nhau tai 2 diém phan biét A, B
Goi x,,x, la 2 nghiém cua (*). Khi dé A(x;—x, +m); B(x,;—x, +m);

= AB® = 2(x1 —xz)z :Z(Jc1 +x2)2 —8x,x,
2
Ap dung dinh I{ Viet AB = 2[(7?1 o) 4 8} >16= AB> 4.

Vay AB ngan nhatbang 4 < m=2.

CAu 46. Tim cac gia tri thuc ctia tham s8 m sao cho duong thang y = x cat d6 thi ham s6

y= X=5 tai hai diém A va B sao cho AB=442 .
X+m

A.2. B. 5. C.7. D. Bap an khac.

Loi giai tham khao
oA 2 _ =() =
x(x+m)=x 5@{9( +(m—-1)x+5=0= f(x)

X #—m X#-—m

Phuong trinh hoanh d¢ giao diém: {
m*—2m-19>0

, . A, >0
Puong thdng cit d6 thi tai 2 diém A, B khi va chi khi: { d & { ;
m#—

f(—m)¢0

Goi: A(xl;xl),B(xz;xz). Véi x; x, la 2 nghiém cua phuwong trinh f(x) =0.
AB=42 o lx, —x,|=4 o (x, +x,) —4x,x, :16<:>m2—2m—35:O<::{m:75
m=—

So v6i diéu kién ta nhan m =7.

x+2

Cau 47. Cho hai diém A, B phéan biét thudc d6 thi ham s6 y = sao cho A va B ddi

x-1
xtng voi nhau qua diém M (3; 3). Tinh d6 dai AB.

A. AB=2\2. B. AB=542. C. AB=6+/2. D. AB=342.

Loi giai tham khao

Goi A(a;lJrilj,B(b;H b3

je(C) véia#b; a,b#1.
a-— 1

Do A, B d6i xiing nhau qua diém nén M la trung diém cua AB.
a=2;b=4= A(2;4);B(42)

= AB=22.
a=4b=2= A(42);B(2;4)

Tim duwoc {
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Cau 48. Tim gia tri thyec ctia tham s6 m dé do thi ham s6 y = al N cat duong thang
X+

y=x+m tai hai diém phanbiét A,B va AB=242.

A.m=1. B. m=5. C.m=-2. D. m=8.
2 —_—
Cau 49. Biét duong thing y = 3x+1 cit d6 thi ham 8 y = 2"—2’1”3 tai hai diém phan
x —
biét A va B. Tinh d6 dai doan thang AB.
A. AB=4410. B. AB=146. C. AB=42. D. AB=44/15.

Cau 50. Goi M, N la hai diém thudc d6 thi y = al _:i cach déu hai truc toa @0. Tinh d6 dai
X+

doan thang MN.
A. MN =442 . B. MN =3. C. MN=2J2. D.MN=35.
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Cau 51. Biét duong thing y = x—3 cit do thi ham s y = +; tai hai diém A,B phan

bidt. Goi d,,d, an lugt 1a khoang cach tir A,B dén duong thing A:x—y=0. Tinh
d=d +d,.
A d=32. B.d:ﬂ. C.d=6. D.d=22.

CAu 52. Tim céc gia tri thue cia tham s8 m dé dwong thang y = -3x +m cat d6 thi ham s

y= 2x +11 (C ) tai hai diém phan biét A va B sao cho trong tam cta tam gidc OAB thudc

x p—
d6 thi (C), véi O(0;0) 1a gbc toa do.

A= 15ZNI g, 155V TS i

2 2 2
mx —m’> —2
Cau 53. Tim céc gia tri thuc ctia tham s6 m d€ do thi ham s6 y = 3 giam trén
x f—

tieng khoang xac dinh va d6 thi ham s6 di qua diém [ (4; 1).

A.meD. B.m=1. C.m=3. D.m=1vam=3.
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X - 3x 2 . I3 oA o« A? A NA . \ A
. Hoi ¢6 bao nhiéu diém thudc do thi ham so

Cau 54. Cho d6 thi ham s6 (C) Y= n
x_

(C) 6 toa do nguyeén (hoanh do va tung d6 la nhitng s6 nguyén)?

A.C6 4 diém. B.Covosddiém. C.C6 2 diém.  D.Khong c6 diém nao.
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Céu 1. Tim phuong trinh ti€p tuyén ctia d6 thi ham s y = x° + 3x* —4 tai di€m c6 hoanh
do x, =1.

A. y=-9x. B. y=9x+9. C.y=9x-9. D. y=9x.

Loi giai tham khao
x=1=y=0;y' =3x" +6x, y'(1)=9.

Phuong trinh tiép tuyén y =9 (x ~1)=9x-9.

Céu 2. Tim phuong trinh ti€p tuyén ctia d6 thi ham s6 y = x® —2x tai di€m ¢ hoanh do
bang x, = -1.
A.y=x-2. B. y=x+2. Cy=-x+2. D.y=-x-2.

Loi giai tham khao

x, =1y, =1; f'(x,) = 1. Phuong trinh tiép tuyén y:f’(xo)(x—x0)+y0 Sy=x+2.

Céu 3. Tim phuong trinh ti€p tuyén ctia d6 thi ham s6 y=x" tai diém c6 hoanh do
x, =-1.
A.y=-3x-2. B. y=3x-2. C.y=3x+2. D. y=-3x+2.

Loi giai tham khao
Voi x, =-1=y,=-1 va y’(—l) = 3. Phuong trinh tiép tuyén y =3x+2.

Ean'4 Tim phurons frmh 6 fayen et ol thi ham a6y = = +; fail diem c6 hoanh d6
—X +
x,=1.
A. y=-5x+8. B. y=5x-2.
C.y=-5x-2. D. y=5x+8.
Loi giai tham khao
Vi }/’:L2 Vx #2 nén y’(l)zl vax=1=y=3.
(—x + 2)
Phuong trinh ti€p tuyén tai M (1 ; 3) la y=5x-2.
Cau 5. Tim phuong trinh ti€p tuyén ctua do6 thi ham s6 y = x—; tai diém c6 hoanh d6
X+
X, =-3.
A.y=-3x-5. B. y=-3x+13. C. y=3x+13. D. y=3x+5.

Loi giai tham khao
Tacé y (—3) = 4. Phuong trinh ti€p tuyén can tim la: y = 3x +13.
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Cau 6. Tim phuong trinh tiép tuyén cua d6 thi ham s6 y = 2% _26 (C ) tai giao diém cua
x p—
(C ) voi truc tung.
1 1 3
A.y=2x-6. B.y=5x+3. C.y=2x+6. D.y:Ex—E.

Loi giai tham khao

Tacd: x,=0=y,=3,y = = y’(O) =%. Phuong trinh ti€p tuyén la: y :%x+3.

2
(x-2)

Céu 7. Tim phuong trinh ti€p tuyén ctia d6 thi ham sd y=x’-3x*+2 di qua di€ém
A(0;3).
A. y=-3x+3. B. y=-2x+3. C.y=3x+3. D. y=4x+3.

Loi giai tham khao
Phuong trinh tiép tuyén c6 dang y = kx+ 3. Tim k t& hé phwong trinh
X =3x*+2=kx+3
3x* —6x=k

2
Cau 8. Tim phuong trinh ti€p tuyén cua d6 thi ham s& y:xz—x+1 di qua diém

M(2;-1).
A.y=x+1. B. y=-2x-1. C.y=x-3. D. y=-2x+3.

Loi giai tham khao
Phuong trinh tiép tuyén c6 dang y = k(x —2) -1
2
Z x+1=k(x-2)-1
Tim £ tir hé phuong trinh 4 .Suyray=x-3.

X 1=k
2

2x+1

Cau 9. C6 bao nhiéu phuong trinh ti€p tuyén ctia d6 thi ham s6 y = ? Biét tiép
tuyén vudng goc véi duong thang d:x+3y-2=0.
A. 0. B. 1. C.2. D. 3.

Loi giai tham khao
Lap luan suy ra

(1—3x) 1 - o) (_?1) -

Coy'=

5.

Giai duoc x =0; x =2. Viét duoc hai phuong trinh tiép tuyén: y=3x+1; y=3x-1

Cau 10. C6 bao nhiéu tiép tuyén véi d6 thi ham s6 y = al _i ? Biét ti€p tuyén song song
X+
véi duong thang y = 3x - 2.
A. 0. B. 1. C.2 D. Khong co.
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Cau 11. Trong tat ca cac ti€p tuyén cua do thi ham sOy = gx?’ +x ¢6 mot ti€p tuyén co hé

s0 goc k nho nhat. Tim gia tri cta k.
A. 0. B. 1. C. 1. D. 2.

Loi giai tham khdo
y'=x"+1>1. Két luan.

Cau 12. Trong céc tiép tuyén ctia d6 thi ham s8 y = —x° —12x+4 b mot ti€p tuyén co hé
sO goc k 16n nhat. Tim gia tri cta k.
A k=-9. B. k=0. C. k=12. D. k=-12.

Loi giai tham khao
k=y'(x,)=-3x-12<-12.

Cau 13. Cho ham s8 y = —x° —3x* +4 ¢6 db thi (C). Tim toa d6 diém M thudc do thi (C)
sao cho tiép tuyén cua do thi (C ) tai diém d6 c6 hé s6 gdoc 16n nhat.
A. M(-1;2). B. M (1;0). C. M(0;4). D. M(-2;0).

Loi giai tham khao
Goi M(x;y) € (C) . Tiép tuyén cua (C) tai M c6 hé s8 goc k =-3x* —6x
Taco: k=-3x—6x=-3(x+1) +3<3
k dat gié tri 1on nhatbang 3< x=-1=>y =2 = M(-1;2).

Céu 14. Cho ham sd (C):y:—x3 +6x+2 va duong thang d:y=mx—m—1. Tim gid ctia
tham s6 m d€ d cat (C ) taiba di€m A, B, C sao cho tong hé s3 géc cac tiép tuyén cua do
thi (C) tai A, B, C bang -6.

A.m=-3. B. m=-1. C.m=1. D.m=2.

Loi giai tham khao
+ Phuong trinh hoanh d¢ giao diém ctia db thi (C) va duong thing d:
1’ +6x+2=mx—-m-1<x"+(m-6)x-—m-3=0(1)
x, +x,+x,=0
+ Gia st pt (1) c0 3 nghiém phan biét x,, x,, x,. Khi do: {x,x, +x,x, + x,x, =m -6
XX, X, =m+3
+ Theo gi thiét ta c6: (~3x] +6)+(-3x; +6)+(-3x; +6) =—6
= —?)(x1 +x, +x3)2 +6(x1x2 +X,X, +x1x3)+24 =0
& -3.0+6(m-6)+24=0 < m=2
+ Thw lai: m =2 thoa dé bai.
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Cau 15. Cho db thi ham s§ (C):y =-x" +2x° +§x. Tiép tuyén tai gdc toa do O cua (C)
cit (C) tai diém thir hai M. Tim toa do diém M .

A M —2;1—0 . B. M —2;—1—0 . C. M 2;—1—0 . D. M 2;1—O .
3 3 3 3

Loi giai tham khao

Viét phuong trinh tiép tuyén d: y = gx = d cit (C ) tai M (2;%} .

Cau 16. Tim mot tiép tuyén ctia d6 thi ham s§ y =x’ —3x* +2, biét tiép tuyén cat truc
Ox, Oylanluwot tai A va B thdéa man OB =90A.
A y=9x+7. B. y=9x-25. C. y=9x+25. D. y=9x-7.

Loi giai tham khao
Goi diém M (xo ;. —3x,” + 2) 12 toa dd tiép di€ém. Do OB =90A, suy ra

k=9 f'(x,)=9 x,’=2x,-3=0 [x=-1
=2 = &
k=-9 f'(x,)=-9 x> =2x,+3=0 x=3

y=9x+7

s .
e L/:9x—25

Cau17. Goi Me(C):y =" +11
X+

c6 tung d6 bang 5. Tiép tuyén ctia (C ) tai M cat cac truc

toa do Ox, Oy lan luot tai A va B. Tinh dién tich tam giac OAB.

121 119 123 125
A y=—"2. B. —. C.y="-2, D.y="-",
Y=7% 6 Y776 Y776
Loi giai tham khao
Tacd: vy, =5=x. =2, Y =——— =1'(2)=-3
yO 0 y (x—1)2 ]/()

Phuong trinh ti€p tuyénla: y=-3(x-2)+5 < y=-3x+11
Tiép tuyén cit truc Ox tai A(13—1;0j, cit truc Oy tai B (0; 11)

y=—(x-2)+5< y=-3x+11.

Céu 18. Cho ham s8 y=x —2x* +2x ¢4 do thi (C) Goi x, ,x, la hoanh do cic diém
M, N trén (C ), ma tai do ti€p tuyén cua (C ) vudng goc véi duong thang y = —x +2017.
Tinh x, +x,.

. D. x, +x,=-1.

W |~

A. x1+x2:§. B. x1+x2:%4. Cx +x,=
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Cau 1. Tim tap x4c dinh D ctia ham s5 y = (1-27} .
A. D =(-00;-1)U(L;+). B. D=R.
C. D=R\{#1}. D. D=(-1;1).

Loi giai tham khao
PK: 1-x* >0 < —1<x <1. Tép xac dinh: (-1;1).

Céu 2. Tim tap xac dinh D ctiaham s6 y=~/x* —3x -4 .
A. D=[-1;4]. B. D=(-1; 4).
C. D =(-o0;-1) U (4;+). D. D =(—o0;—1]U[ 4;+).

Loi giai tham khao
x<-1

Ham s6 xac dinh khi ¥* -3x-4>0< )
x>4

Céu 3. Tim tap xdc dinh D ctia ham s8 y = (4x2 = 1)_4 )
A. D=R. B. D=(0;+).

C. D=R\ —l;l . D. D= —l;l .
2 2 2 2

Loi giai tham khao

~ ~ A A \ n~ 2 . 14 aA - A 1 1
S8 mii nguyén am thi co s6 phai c6 diéu kién: 4x* -120 < x* = 1 S x# iE.

Cau 4. Tim tap xac dinh D ctiaham s6 y = (Zx2 -x- 6)_5.
A. D:(—oo;—gju(z;+oo). B. D:(—E;zj.
2 2

C.D:R\{—E;Z}. D. D=R.

Loi giai tham khao

x#2
Ham s xac dinh khi 2x* —x—-6#0 < 3 :D:R\{—%;Z}.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |l




= BAITAP TU LUYEN v

Céu 5. Tim tap xdc dinh D ctia ham s8 y = (x2 — 4)? )
A. D =(~0;-2)U(2 +0). B. D=R\{+2}.
C. D=(-2;2). D. D=R.

Cau 6. Tim tap xac dinh D ctia ham s6 y =(1—x)%.
A. D=R. B. D=R\{0}.
C. D =(-;1). D. D={2}.

Cau 7. Tim tap xac dinh D ctiaham s8 y =/1+x* .
A.D=[-1; 1]. B. D =(—o0;-1]U[1;+).
C. D=R\{-1; 1}. D. D=R.

A. D=(1;2). B. D =[0;+w). C. D=[3;+x).  D.D=(0;3).
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Cau 9. Tim tap xac dinh D ctia ham sd y :(1—x)3.
A. D=R. B. D=R\{0}.
C. D =(0;+%). D. D={2}.

Céu 10. Tim tap x4dc dinh D ctia ham s6 y =/x> —=3x+2.
A. D:(—oo;l)u(2;+oo). B. Dz(—oo;l]u[2;+oo).
C. D=(12). D. D=R.
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». Dang 28. Pao ham cua ham so mi

Céu 11. Tinh dao ham cua ham s6 y =12".

A. y' =x12"". B. y'=12"In12.

12

C.y' =12". = .
Y In12

D.y

Loi giai tham khao

y'=(127) =127 In12

A. y'=100""In10.
1

R P TR

Céu 12. Tinh dao ham cta ham s6 y =100"".

B. y'=200.100"In10.

D. y'=(x+1)In100.

Loi giai tham khao
y'=(100"")"=100"" In100 = 100.100" In 10> = 200.100" In 10.

w BAI TAP TU LUYEN v

Céu 13. Tinh dao ham cta ham s y = 2>,

A. y'=22""%1n2. B.y =2""1In2.

x-1

Cau 14. Cho ham s3 f(x)=2"1. Tinh f'(0).
A. f'(0)=2. B. f'(0)=In2.

C. f'(0)=2In2.

1
Cau 15. Tinh dao ham ctia ham s8 y = (x* —2x +1)2.

1

A. y'=(x2—2x+1)5(2x—2).

L =
Cy ZE(X —2x+1)2.
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A. f’(l)z%. B. f’(1)=%. C. f(1)=2. D. f'(1)=4.

2x+1

Céau 17. Tinh dao ham cua ham s y = e**" sin 2x.
A. y'=2¢*"" cos2x. B. y' =4e*"" cos2x.
C. y' =2e*"" sin2x — 2¢**' cos 2x . D. y' =2¢**" sin 2x +2¢***! cos 2x.

Loi giai tham khao

! !
y' = (ezx*l) sin 2x + ¢ (sin 2x) =2¢*" sin 2x + 26" cos 2x

Cau 18. Tinh dao ham ctia ham s& y = e* >,
A y'= (x2 —5x + 1) e o B. y'=2x—5¢" 1,
C.y'=(2x-4)e" ™. D. y'=(2x-5)e" .

Loi giai tham khao

y'= (ex2—5x+1 )’ = (x2 —5x+ 1)’ o 5 (2x _ 5)6x2—5x+1 .
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Céu 19. Tinh dao ham cua ham s y = ¢** —3.5™".
A. y'=2¢" —5".In5. B. y'=2¢* -3.5™".
C. y'=2¢*-35".In5. D. y'=2¢" -3.5"".In5.

A. y'=x%". B.y'=(2x-2)e".  C.y'=-2xe". D. y'=2xe".

Cau 21. Cho ham s8 y = ¢“"**. Tinh f' (%j :
A. —4eP, B. 2¢". C. 4. D. 8¢V,

Cau 22. Tinh dao ham ctia ham s§ y =9* (1—3x).
A, y'=9"[(1-3x)In9-1]. B.y'=9"[(2-6x)In9-3].
C.y'=9"(2-6x)In3-3", D.y'=9°[(1-3x)In3-3].
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Cau 23. Tinh dao ham cta ham s5 y = x9_+1

. 1-2(x+1)In3 . 1-(x+1)In3
A y'= e : By =—%—

. 1-2(x+1)In9 , 1-2(x+1)In3
Cy'= Py . D.y'= Py .

Cau 24. Cho ham s§ f(x)=3"—2. Ménh dé nao dudi day diing?
A. f'(0)=In3.  B. f'(0)=3m3. C. f'(1)=In3. D. f'(2)=9.

Cau 25. Cho ham s§ f(x)=x.¢*. Tinh f"(0).

A. f"(0)=1. B. f"(0)=2e. C. f'(0)=3e.  D.f"(0)=2.
Loi giai tham khao

f'(x)=e"(x+1), f”(x):ex(x+2):>f"(0):2_

Cau 26. Tinh dao ham cap hai cia ham s6 y =10".

A. y"=10". B. y"=10"1n10%. C. y"=10"(In10)>. D. y"=10"1n20.
Loi giai tham khao

y=10" & y'=10%1n10 & y =10"(In10) .
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Cau 27. Tinh dao ham ctia ham s6 y = ¢ _1.
x
e* -1 ex(x—1)+1 xe*Inx—e*+1 ex(x+1)+1
A- x—za Bo T. Co x2 . Do —2.
X

Céu 28. Tinh dao ham cia ham s6 y = e***'.
A. y'=2e"". B. y'=%ezx+l. C.y' =" D. y'=2¢".

Céu 29. Tinh dao ham cua ham s y =2017".

A.y'=x2017"".  B.y'=2017".1n2017. C.y'=2017". 20177
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= Dang 29. Rt gon biéu thirc

Chu 30, Cho 4% +47* =23 . Tinh [ = 2% +2°*.
A I=5. B.1=4. C.I1=+23. D. =21.
Loi giai tham khao

St dung hing ding thirc a® + b2 = (a+b)? —2ab.
g g g

Cau 3L Cho 9 + 9 =23. Tinh p=2+3 *3
=S 1-3 3+
A 2, B. L. c.3 D. 2.
2 > 2

Loi giai tham khao
Ta c6 (3x+3-X)2=9X+9-X+2=23+2:25 nén (3 +37%)=5
5+43*+3* 545 5

Suyra P= — = =-=,
1-3*°-3* 1-5 2

Cau 32. Cho a va b 1a hai s6 thyc thoa man dong thoi a+b=1 va 4> +4* =0,5. Tinh
P=ab.

A.P:l. B.P:l. C.P:—l. D.P:—l.
4 2 2 4
Loi giai tham khao
Raut b tx a+b =1 roi th€ vao 42" +42" =0, 5.
Chu 33. Riit gon biéu thire Vx Jx.4x° véi x> 0.
7 5 2 5
A, x3. B. x?. C. x3. D. x3.
Loi giai tham khao
5
\/_\/_\/_ x2+3+€ = x3.
3/..2
Céu 34. Cho f(x):M. Tinh f[ 2],
$fx 10
A. E B. 4. C. 1. D. E
10 10

Loi giai tham khao
log, a>log, b 0<a<b.
3 3

Céu 35. Cho ham s8 y =¢”"*. Tinh M =y 'cosx—ysinx—y".
A. sinx. B. 0. C. 1. D. -1.
Loi giai tham khao

sm X sinx

y=e"" = y'=cosxe

sinx sinx

y"=—sinx.e™ + cos® x.e

sinx

Tacod y'cosx—ysinx—y" = (COS x.e™ ) cosx —sinx.e™" — (—sin x.e™™ + cos” x.e™™ ) =0.
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Cau 36. Rut gon biéu thirc P = \/(a” +b" )2 - (4” abj vOi a, b la cac s6 duong.

A. P=a" -2b7|. B. P=[a" +b"|. C.P=a"-b". D. P=a" -b"|.

Loi giai tham khao
Stt dung hang dang thitc véiluuy VA? = ‘A‘

1 2
Cau 37. Rut gon biéu thirc P = (1 2\F b} (a —bZJ voi a, b 1a cac s6 duong.
a

a
1 1
A.P=—. B.P=a+b. C.P=a-b. D.P:E.
a
Loi giai tham khao
2
b
2 1-./— 2
b bl (5 .3 a (1} 1
P= 1—2\/:+— Hla?-b? | = =|—=| ==
{ : M ] Nl e Wy
(\f )\/—+2
Cau 38. Rut gon biéu thiec A = pREgE voi x>0.
x
A. A=x. B. A=x". C. A=x". D. A=x".
Loi giai tham khao
f+2
fz o\(V54
525

X 5.
=—=x (voi x>0).

Rut gon biéu thitc A = g = R

= BAITAP TU LUYEN v

o Q{l + )
ag(g/a_z—g/aj)

Cau 39. Rut gon biéu thirc P =

v6i a duong.
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A.5=0. B.S5=1. C.S=2. D.S=4.
, 4 1 2 2016
Céu 41. Cho ham sd = Tinh S= f| —— |+ f| —— |+t f| =—— |.
a o ham 5 f (x) ye1 f(2017j f(zowj f(zow]
A. §=2017. B. S=1009. C. 5=1008. D. 5=1006.

A. P=a. B.P=a". C.P=ua. D. P=a".

-1 -1
CAu 43. Riit gon biéu thic p:@j _E(Ej .
A.P=1. B.P=2. C.P=-1. D.P=-2.
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2 0,75
CAu 44. Rut gon biéu thiee Q =27° + (%j — 25",

A.Q=12. B.Q=10. C.Q=8. D.Q=6.

A. P=+a. B.P=1. C.P=a. D.P=4a.

A.P=a+b. B. P=a-b. C.P=uab. D. P=

)

A. A=+, B. A=a-1. C. A=+Ja+1. D. A=4a.
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11
Cau 48. Rut gon biéu thitc P =1/x\xy xfx xe.
A.P=4x. B. P={x. c.p=¥x. D. P=x.

Cau49. Cho x=t"1, y=t"1 (t >0, t #1). Tim hé thtic lién hé gifta x va y.
1 1
Ay =x". B. y"=x". C.y’ =x"y. D. vy’ =x".
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= Dang 30. Bai tap tong hop

Cau 51. Cho ham s8 f(x)= (%) 5. Ménh dé ndo duwdi day diing?

A. f(x)>1ex* +x.log,5>0. B. f(x)>1< —xIn2+x*.In5>0.
C. f(x)>1ex —x".log,5<0. D. f(x)>1< x* —xlog, 2> 0.

Loi giai tham khao
log, f(x)>log,1=0< —x+x".log,5>0.

Cau 52. Cho ham sG f (x) = 49" . Ménh dé nao dudi day sai?
A. f(x)<1e x+x7log,9<0. B. f(x)>1< x* +xlog, 4 >0.
C. f(x)<lelg4+x1g9<0. D. f(x) <1< x(lg4+1g97)<0.

Loi giai tham khao
f(x)<1e 49" <1 log, 4°9° <0 x+x"log,9<0
f(x)<1e 429" <1 log,4°9° <0< x” +xlog,4<0

f(x)<1e49" <1o1g4.9" <0 xlg4+x"1g9<0 < x(Ig4+x1g9) <0

Cau 53. Cho ham s6 f (x) = 2% .3". Ménh dé nao dudi day diing?
A. f(x)>2 < x* +xlog,3>1. B. f(x)>2< 2x+xlog,3>1.

C. f(x)>2< x* —xlog,3>1. D. f(x)>2<:>%x+xlog23>1.

Loi giai tham khao
f(x)>22°3 52 < log,(27.3°)>log, 2

<:>log2(2"2)+log2 3*>1 < x* +xlog,3>1

Cau 54. Ham s6 nao dwdi day nghich bién trén R ?

A y=3". B.yz(%j. C.y=c". D.yz(%j :

Loi giai tham khao

Hamsd y=3" = (%j nghich bién trénR.

Cau 55. Ham s6 nao duwdi day dong bién trén R ?

el el el ol

Loi giai tham khao

X
\ ~ 7[ 4 ~ 4 A AV [ A
Ham s6y = (Ej c6 co s0 lon hon 1 nén dong bién trén R .
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Céu 56. Cho 7z > z”. Ménh dé nao dwéi day ding?
A.a<p. B.a>p. C.a+p=0. D. of =1.

Loi giai tham khao
Viz>1nén z°>n" =>a>p.

Cau 57. Ménh dé nao dudi day sai?

2
A.V6ia>0 thi a®:Ja=d’. B. 452012y g
B
C. 3" <32, D. log, 2 <log, 3.

Loi giai tham khao
4 41
Véia>0thi a®:Ya=a® > =a=a’.

Cau 58. Cho s0 thuc 2 >1. Ménh dé nao dwdi day sai?

2 2
A a"" >a* o x<0hay x> 2. B. Va'" <@ < 0<x<2,

C. (E/E)X2+1 2({’/;)2“1 S 0<x<2. D. Yo" 2 o x <0 hay x> 2.

Loi giai tham khao

(?/;)XZH 2(\5/;)2“1 o x?+122x+1 ©x<0hayx>2.

Cau 59. Ménh dé nao dudi day ding?
A.Ham s6 y=a" véi 0<a<1 laham s6 dong bién trén (—oo; +oo) :
B.Ham s8 y =a* v6i a>1 la ham s& nghich bién trén (—oo; +oo) :

C.Ham s6 y =a" voi (O <a# 1) ludn di qua diém (a; 1).

a

D.Hamso y=a" voi y = (1j (O <a# 1) thi doi xttng qua truc tung.

Cau 60.V6i a >0, b>0, x va y tuy y. Ménh dé nao dudi day ding?

A a“a’ =a". B. (ab)x =ab”*. C. Z—; =g 7 D. (a") =Y
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Céau 1. Tim tap xdc dinh D ctia ham s6 y =log, (3" - 1).

A. D:(l;mj. B. D =(0;+w). C. D=[1L;+x).  D. D:(l;mj.
2 3

.....

3F-1>0=>x>0.

Cau 2. Tim tap xdc dinh D ctia ham s6 y = log, (4 —~ xz) :

A. D =(—0;-2)U(2;+w). B. D=(-2;2).
C. D =(—o0;-2| L[ 2;+0). D. D=[-2;2].
Loi giai tham khao

Pieukién 4-x* >0 2<x<2.

w BAI TAP TU LUYEN v

Cau 3. Tim tap xdc dinh D ctia ham s8 y = log, (x* —5x+6).
A. D =(—0;2)U(3;+0). B. D=(2;3).
C. D=[2;3]. D. D =(-0;2]U[3;+w).

Cau 4. Tim tap xac dinh D ctia ham s6 y =log, (x2 +2x — 3) .
A. D= (—oo; —3) u(l; +oo). B. D= (—oo; —3:| U (l,‘ +oo).
C. D =(-u0;-1)U(3;+). D. D=[-1;3].

Cau 5. Tim tap xdc dinh D ctia ham s8 y = log, (x* —6x+9).
A. D=R\{3}. B. D=R\{-3}. C. D=(3;4+®).  D.D=(-x;3).
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A. D=[-2;2]. B. D =(-o0;-2)U(2;+).
C. D =(-x;-2). D. D=R\{4}.

Cau 7. Tim tap xac dinh D ctia ham s8 y = log, (x3 —x* - 2x).
A. D=(0;1). B. D =(1;+%).
C. D=(-10)u(2;+x). D. D =(0;2)u(4;+x).

A. D=(0;2). B. D =(2;+w). C.D=(-1;1).  D.D=(-x;3).

Cau 9. Tim tap xdc dinh D ctiaham s6 y = log(x2 - 4).
A. D =(-0;-2)U(2;+x). B. D=[-2;2].
C. D=(-2;2). D. D =(—o0;-2 | L[ 2;+0).

Céu 11. Tim tap xdc dinh D ctia ham s8 y = ln(—x2 +5x — 6) :
A. D =(0;4w). B. D =(-x;0).
C. D=(2;3). D. D =(-%;2)u(3;+).
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Cau 12. Tim tip x4c dinh D ctia ham s8 y =log,(x+1)* —In(3-x) +2.

A. D =(3;+). B. D =(-;3).
C. D =(-;-1)u(-1;3). D. D=(-1;3).
Cau 13. Tim tap xac dinh D ctiaham s6 y = L
log, x -3
A. D =(0;64)(64;+). B. D=R.
C. D=R\{64}. D. D =(0;+x).
Loi giai tham khao
Didu kién x4c dinh: {x P {x -0
log, x#3 x # 64

A A s g s x—4
Cau 14. Tim tap xac dinh D cua ham sé y =log VL
A. D =(—0;—4]U[4;+w). B. D=[-44].
C. D =(—00;—4) U(4;+). D. D =(4;+x).

Loi giai tham khao

Ham so xac dinh khi va chi khi x—4

2 >0<:>xe(—oo;—4)u(4;+oo).

Cau 15. Tim tap xac dinh D ctia ham s§ y =log, (2"‘3 —~ 16) :
A. D =(-»;7). B. D =(7;+%). C. D=(3;4x).  D.D=(5;+»).

Loi giai tham khao
2% _16>02°>2" o x-3>4 < x>7.

Cau 16. Tim tap xac dinh D chaham sd y = \/logl (x—3)+2.

3
A. D=(3;12]. B. D=(3;12). C.D=[3;12). D.D=[3;12].
Loi giai tham khao
log, (x-3)+2>0<log, (x-3)22<0<x-3<9 < 3<x<12.
E g
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= BAITAP TU LUYEN v

Cau 17. Tim tap xac dinh D cGahamsd y = L
log, x-3
A. D =(0;27)U(27;+). B. D=R.
C. D=R\{27}. D. D =(0;+x).

A. D =[1;+x). B. D=R\{1}.
C. D:(l;+oo). D. D:(—oo,'l).

Cau 19. Tim tap xéc dinh D ctia ham s6 y = [log, , x—‘; .
X+

A. D =(1;+x). B. D =(-o;1].
C. D =(-%;5)U(L;+%). D. Két qua khac.
Cau 20. Tim tap xéc dinh D cta ham sy = log 3 — =y
- X
A. D =(-0;1)U(2;+). B. D=(1;2).
C. D=R\{1}. D. D=R\{L;2}.

Céu 21. Tim tap xac dinh D ctia ham s6 y = \/log, x—1.
A. D=(0;1). B. D =(1;+). C. D=(0;+).  D.D=[2;+x).
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Cau 22. Tim tap xac dinh D cdahamsd y = \/3 ~log,(x+2).

A. D=(0;25). B. D=(-2;27).

C. D =(-2;+x). D. D=(-2;25].
Cau 23. Choham s6 y =1n 1 T Ménh dé nao dudi day ding?

X

A xy'+1=¢’. B. xy'+1=—¢". C xy'-1=e¢'. D. xy'-1=—¢".

Cau 24. Tim tap xac dinh D ctia ham s6 y =log, 210——x
x°=3x+2
A. D =(1;+). B. D =(-;1)u(2;10).
C. D =(-»;10). D. D =(2;10).

A. D=R. B. D:(-oo;lj. C. D:&;m}. D. D:(—%;Jrooj.

A.D=R. B. D=R\{-1}. C.D=R\{l}.  D.D={@}.
Céu 27. Tim tap xac dinh D ctia ham s8 y =log L .
3-x
A. D=(-»;3].  B. D=(3;+). C. D=[3;+x).  D.D=(—0;3).
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Cau 28. Tinh dao ham ctia ham s§ y =log} (2x +1).

o ,_210g2(2x+1) - ,_410g2(2x+1)

T a1)in2 T )2
,_4log2(2x+1) L 2

CY =" Dy (2x+1)In2°

Loi giai tham khao
2log,(2x+1).2x+1)" 4log,(2x +1)
(2x+1)In2 ~ (2x+1)In2

y'=2log,(2x +[log,(2x +1)] =

Cau 29. Tinh dao ham ctia ham s6 log, (x* —2x+1).

2x -2 2
A y=—-—"—. B.y=——-—.
ST _ox+3 / (x-1).In3
C , 2x-2 D. 1y - =1
Y e " (x2=2x+1).In3"

Loi giai tham khao
L (P =2x+1)" 2(x-1) 2
Y (x* =2x+1).In3 (x-1.In3 (x-1).In3"

Cau 30. Tinh dao ham cua ham s8 y =log, x (x> 0).

A,y =3"Inx. B. y'=xIn3.
1 X

Cy-= : D.y' =—.
/ xIn3 i In3

Loi giai tham khao

:1 ’: .
y=10g;x =Yy <03
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Cau 31. Tinh dao ham ctia ham s y =log,,,, (x> +1).

1 1
Ay = . B. y' = .
YT Y T @ +1)In2017
' 2x , 2x
<Yy = . Y= 3 .
2017 (x* +1)In 2017

' 2-2 '
A yzzx_;z. B.y:(2—2x)(2x—x2).
[ ]- " a2
C.y—zx_xz. D.y'=2x-x".

C4u 33. Tinh dao ham ctia ham s6 y=2xln2 X.
A. y'=2In* x+4xInx. B. y'=2xIn’ x +4xInx.

C.y' =2xInx+4Inx. D. y'=2In’x+4Inx.

Cau 34. Tinh dao ham ctia ham s6 y = xIn® x.

A.y'=In*x+2. B. ¥’ =Inx(Inx+2).
Cy'= 21nx. D. y'=2xInx.
X

Ay =Inx. B y’:x—_l.
X
C y’zx—_l—lnx D.y' ="—+Inx
X x
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B. y’:21nx. C. y,_1+21nx. D ,_2Inx
X X X X
a , \ . s . In x
Cau 37. Tinh dao ham cia ham s6 y = —
X
A yrzl. B y,zl—lnx
x X
, 1+Inx , 1-Inx
C.y'=—7 D.y =—
X X
Loi giai tham khao
. [Inx '_(lnx)'.x—x’.lnx_l—lnx
- x - 2 - 2

X

Ciu 38. Tinh dao ham ctia ham s6 y = Inx-1

—
A y'=Inx-1. B. y,:2—12nx. C. y'zl—l. D. y' =1
X X
Loi giai tham khao
1
Inx-1 , , ;x—lnx+1 2-Inx
= oy = 5 = .
X x X

= BAITAP TU LUYEN v

Cau 39. Tinh dao ham ctia ham s6 y = 1 + Inx .
x X
, Inx , Inx , Inx , )
Ay =—— B. y'=— Cy=— D. y' =Inx
x x x
Ciu 40. Tinh dao ham ctia ham s8 y = In[<2 X TS X
cosx —sinx
' 2 ' 2 i ' .
Ay = B. y' =— . C. y' =cos2x. D. y'=sin2x
cos2x sin 2x
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Cau 41. Tinh dao ham ctia ham s6 y = ln(x +V1+x° ) .
1 , 1

\/1+x2. . _x+\/1+x2.
C.y'=x+Vvl+x*. D.y=—2> .

A y'=

1
A. vy - =0 B. 3y -1 -5)=0.
YTy y=In(x-5)
C. ¢! =x-5. D.y -y=0.

Cau 43. Choham s f(x)=Inv1+¢" . Tinh f’(an)
A. f'(In2)=2. B. f'(In2)=-2.

C. f'(In2)=0,3. D. f'(In2)=

Cau 44. Tinh dao ham ctia ham s6 y = x.In ] L .
+x

. x+(1+x)In(1+x)

Ay = B. y,:x+(1+x)1n(1+x).

1+x 1+x
C. y’z—w. D. y'=—x-In(1+x).

1+x

A )= B. /(€)=
C. f(e)=or- D. f(e) =5z
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A y':g. B. y'zglnx. C y':%. D y':%.
X X X X

Cau 47. Cho log, 20 =a. Tinh P =log,, 5 theo a.
a—2 _a+2

A. P=a-2. B. P=a+2. C.P= .
a a

Loi giai tham khao
+) a =1log, 20 =log,(2°.5) =2log, 2 +log, 5=2+log,5 = log,5=a-2
log,5 a-2

K P:10g205:10g 20 a
2

Cau 48. Cho log, 27 =a. Tinh P =log, 16 theo a.

48-a) B.p->—% c.p=_3 4

A. P= . .
3+a 3+a 3+a 3+a

Loi giai tham khao
= log, 2= ﬂ

Tacd: log, 27 =————
&1 1+2 Iog3 2 2a

4 43-a)

Vay P =
1+log,3  3+a

Cau 49. Cho log,. 3=a.Tinh P =log,. 15 theo a.

- B.p-17% c.p-_1 D.P=
1-a

2(1-a) a

[

A. P=

—_
|
AN

Loi giai tham khao
1 1 1

Tt gia thiét log, . 3=a=a= = =
& 815 log,15 log,(3.5) 1+log,5

:1+log35:l:10g35=1;a
a a

Suy ra P =log, 15=1log,, 15= %log5 (35)= %(log5 3+1)= %(é + 1} =

2(1-a)

Jog 3.1 1
Cau 50. Tim x thoa man log,,, 63 = X108, 9. 108, X +

log 3.log, 5.log, x+xlog, x+1
A . x=2. B. x=4. C.x=3. D. x=5.

Loi giai tham khao
Nhép phuong trinh vao mdy tinh Casio. S dung chtic nang CALC thay dap an. Dé dang
chon duogc dap an A.
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Céu 51. Rat gon bi€u thite A =log, 7 +2log, 49 —log % :
3

A. A=3log,7. B. A=log,7. C. A=2log,7. D. A=4log,7.

Loi giai tham khao
+) A=-log,7+2log,,7* -log , 7"
33

=-log,7+2log,7 +2log,7
=3log,7
Cau 52. Cho log, 5=4; log,5=0b.Tinh P =1log, 5 theo a va b.
A P=—1 B.p=10 C.P=a+b. D. P=a* +b’.
a+b a+b

Loi giai tham khao
1
log25:a;log35:b:>12§—2§=b:10g23:%
2
5_log25_ log,5  ab

Vay P =1 = = .
v “8e log,6 log,3+1 a+b

Cau 53. Cho log,15=4, log,10=b.Tinh P =log, 50 theo a va b.
A.P=a+b-1. B.P=a-b-1.
C.P=2a+b-1. D. P=a+2b-1.

Loi giai tham khao
P =log,50 =1log,10 +log, 5
=log,10+log,15-1=a+b-1.

Cau 54. Cho m=1log, 2, n=1log, 5. Tinh P =log, 5.

A.p=". B.P=—" c.p=-—"—. D.P-—".
m m-—1 m+1 1-m
Loi giai tham khao
P:10g35:10g65:10g65: log, 5 _ log, 5 __n
log, 3 logé log,6-log, 2 1-log,2 1-m
°2
Cau 55. Cho a=log,, 6, b=log,7.Tinh P=1log,7.
A.P=—"_. B.P=" . C.P=——. D. P=——.
b+1 1-a b-1 a-1
Loi giai tham khao
log,, 7 b
P=log,7 = L2__ - .
©8: 2 1-a
loglzz

Cau 56. Cho log,,3=a; log,,5="0.Tinh P =log,, 1350 theo a va b.
A.P=2a+2b+1. B.P=a+b+1. C.P=2a+b+1. D.P=2a+b.

Loi giai tham khao
P =log,, 1350 = log,,(30.45) = log,, 45 +1
=log,,(3°5)+1=1log,, 5+2log,, 3+1=2a+b+1.
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= BAITAP TU LUYEN v

Cau 57. Cho log3 =4; log2=b.Tinh P =log,, 30 theo a va b.

Ap=it2a B.p=_ 2" C.p=1*t% D.pP=_*%
b 1+b 1-b 3(1-b)

Cau 58. Cho a=log2, b=1log3. Tinh P =log0,018 theo a va b.

A.P:2b2+a. B. P=2b+a-3. C.P=2b+a-2. D.P=2a+b-2.

Cau 59. Tim x théa man log, x =4log,a+7log,b v6i a>0; b>0.

A. x=a'b’". B. x=4a+7b. C. x=4a.7b. D. x=ab.

_u(2+b) g p__2+b _— b(2+a) D P a(2+0b)
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Cau 61. Cho log,, 7 =a;log,5=0b. Tinh I =log, 6,125.

A. 1=4a-3b. B.I=4a—%. C.I:%—éla. D.I:4a+%.

Cau 63. Cho a=log, m véi m>0 vam=#1 va A=log, (8m).Tinh A theo a.

A A=S*E B. A=(3+a)a. ca=3=%

D. A=(3-a)a.

Cau 64. Cho 4, b 1a hai s6 duong thoa man a* +b* =7ab. Tinh I =log, (isb] )
1 1
A. I=510g7a+log7b. B. I=E(10g7a+log7 b).
C.I=log,a+—log,b. D. I=log, —+log, —
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Cau 65. Cho a*> +b* =7ab (a, b> 0). Ménh dé nao duéi day diing?

A. 2log, (a + b) =log,a+log,b. B. 2log, % =log,a+log,b.
C. log, 4 J?: b_ 2(10g2 a+log, b) . D. 4log, % =log,a+log,b.

A.P=2. B. P=16. C.PZ%. D. P=4
Céu 67.Cho a>0,a#1. Tinh P=log ,a.
A.le. B P:—l. C.P=3 D.P=-3
3 3

Céu 68. Tinh P =log . x,.log .- x,, bi€t x, va x, la hai nghiém cua phuong trinh

mlog2 x—10log, x+e=0.

A poe B. p_2¢ c.p=%. D.p=-5
s V4 s 47
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Cau 69. Cho log, x =5log, a+4log,b (a, b>0). Tim x.
A. x=a’b". B. x=a'l’. C. x=5a+4b. D. x=4a+5b.

A. M=0. B.M=2. C. M=3. D.M=1.
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NERNG) 4 5
Cau71.Cho a® >a? va log, E <log, " Ménh dé nao dudi day ding?

A.O<a<1, b>1. B.0<a<1, 0<b<1.
C.a>1,b>1. D.a>1,0<b<1.

Loi giai tham khao
RERE] 4 5
Néua® >a’ va logbg<logbgth‘1 0<a<1,b>1;

Cau 72. Cho ham s6 y = log x. Ménh dé nao dudi day sai?
A. Ham s6 co tap xac dinh D =R.
B. Ham s6 dong bién trén (0;+0) khi a>1.
1

xlna
D. D6 thi ham s0 luén nhan truc tung lam tiém can ding.

C. Vx>0 ham s c6 dao ham y' =

Loi giai tham khao
A sai vi ham s0 ¢6 tap xac dinh D = (O;+oo).

Cau 73. Ménh dé nao dudi day sai?

A lnx>0<x>1. B.log,x<0< 0<x<1.
C.log,a>log, b=a>b>0. D.log,a=log, b<a=b>0.
3 3 2 2

Cau 74. Ménh dé nao dwdi day sai?
A. log,5>0. B. 10g34>10g4%.
C. log . 2007 <log ., . 2008. D. log, 0,8 <0.

Loi giai tham khao
Cau D sai vi log,,1=0
Ma 0,8<1 vacoso 0,3<1 nén log,, 0,8 >1og,,1=1log,,0,8>0.

Cau 75. Cho a, b la cac s6 thec duong; a,b#1 va a.b # 1. Ménh dé nao dudi day sai?

A. log, (ab)=-1+log, b. B. log, (ab) =-1-log b.
C.log, a=—"— D. log , b= L
OB AT log b - 98 2log, a

Loi giai tham khao
log, (ab) = —(1+log D).
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Cau 76. Cho a,b,c¢ >0 va a # 1. Ménh dé nao dudi day sai?

A. 2log, Jbe = log, be. B. log, Jbe = %(Iogu b+log, c).
C. log, Jbe = L . D. log, Jbe = log, Jb - log, Je.
log -a

Loi giai tham khao

Vi log, Jbe = log, Jb + log, Je.

Cau 77. Cho cac s0 thuc duwong a, b, voi a # 1. Ménh dé nao dudi day diing?
A. log, (u2b3) = 2[loga (ab)+1log, b} : B. log, (a2b3) =2+3log,b.

C. log, (u2b3) =2log, b+3log, (ab). D. log, (azbS) =6(1+log, b).

Loi giai tham khao
log, a’b® =2+3log, b.

Caiu 78. Cho cac s0 thuc duwong a, b v6i a #1. Ménh dé nao dwéi day diing?

A. logazgzélogab. B. logz——2 2log b
a_ 1 1 1
C.log,—=—log b. D.log,2==—~log b
087 =4 %8 98, =5 5 %%
Loi giai tham khao
+) Ta co: logzg Zloga b =E(logga log, b)————log”b.
Cau 79. Cho a, b dwong va a # 1. Ménh dé nao dwdi day diing?
A. log ,(a.b)=3+3log b. B. log ,(a.b) = % + %loga b.
C. log ,(a.b) = %loga b. D. log ,(a.b) =3log b.

Loi giai tham khao
log ,(a.b) == %.[logu(a.b)] = %[Iogu a+log, b] = % + %Ioga b

Ciau 80.Cho 0<a<1va 1<a < f.Ménh dé nao dudi day ding?

A. d’ <a® <1. B. 2 <1<d”. C.1<a“ <d”. D. a® <a’ <1.

Loi giai tham khdo
O<ax<l1

=
O<l<a<p

O<a<l1

Tinh chat: { = a“ > a’ Twong tu: { a’=1>a“>a’ hay a’ <a” <1.

a<p

2016

, —
2017
A.O<a<1;b<1. B.O<a<l;b>1. C.1<a<2;b<1. D.1l<a<2;b>1.

1 A
Cau 81. Vé6i (a—1) 2 >(a—1) * va log, % <log . Ménh dé nao dwdi day diing?

Loi giai tham khao
1 1
Vi—%<—%:>(a—1) 2>@-1)*<=0<a-1<le1<a<?2

Va 2<%:lg logb2016<:>b>1.
3 2017 3 17
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= BAITAP TU LUYEN v

Cau 82. Cho hai s6 thuc a va b, v6i a” >a*yy log, (%) <log, (%) Ménh dé nao dudi

day ding?
A.a>1;, b>1. B.a>1, O<b<1.
C.0<a<1, b>1. D.0<a<1,0<b<1.

Cau 83.Cho a, b, ¢ >0; a; ¢; ab#1. Ménh dé nao dudi day diing?

1
A.le—logub. B.log—“czl—loguc.
log , c log,, ¢
1
C g“C:1+Ioggb D Og"C—1+logac
logab ¢ Ogab ¢

Céu 84. Ménh dé nao duwéi day diing?
A.Ham s y =log, x v6i 0 <a <1lamdt ham s6 dong bién trén khoang (0 ;+x).
B. Ham s6 y =log, x v6i a>1la mot ham s6 nghich bién trén khoang (0 ;+w).
C.Hamsd y=1log, x (0<a=1)cotap xdcdinhla R.

D. P06 thi cicham s6 y =log_x va y =log, x (0 <a #1) d6i xitng nhau qua truc

hoanh.
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Cau 85. Ménh dé nao duwéi day diing?
A.D6thihams6 y=a" va y = (1j do6i xttng nhau qua truc hoanh.
a

B. D6 thi ham s6 y =log, x va y =log, x d6i xitng nhau qua truc tung.

C. Db thi ham s6 y =log, x va y =a* d6i xiing nhau qua duong thang y = x.

D. Db thi ham s6 y =a* va y =log, x ddi xing nhau qua duong thang y = —x.

Céu 87. Cho x,y 1a cac s6 thye dwong théa man 9In® x +4In’ y =12Inx.Iny. Ménh dé
nao dudi day diing?
A .=y, B. 3x=2y. C. x° =y
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Cau 88. Cho cac s0 thuc duwong a, b, x,y, v6i a # 1. Ménh dé nao dudi day diing?
A. log, X log_gx .
y log,y
1 1

B. log — = }
8. x log, x

C. log (x+y)=log, x+log, y.
D. log, x =log, a.log, x.

Cau 89.Cho a>0 va a=1, x va y lahai s6 dwong. Ménh dé nao duéi day diing?
1
A.log X = 208, %
y log,y

Cau 90. Cho cac s6 thuc duwong a, x, y voi a# 1. Ménh dé nao duwéi day sai?

A. log (xy)=log, x+log v. B. log (xy*) = 2(10& x+log, y).

C. log Vx = %log” x. D. log (xy*)=log x+2log y.
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Cau 91. Cho a>1. Ménh dé nao duéi day sai?
A. log x>0 khi x>1.

B. log x<0 khi 0<x<1.
C.Néu x, <x, thilog x, <log x,.

D. D6 thiham s6 y =log, x c6 tiém can ngang la truc hoanh.

Céu 92. Cho a >0, b > 0thdéa man a* +b* =7ab. Ménh dé nao dudi day diing?

A. log(a+b) = %(log a+logbh). B. 2(loga+logb) =log(7ab).
C. 3log(a+b) = %(log a+logb). D. log% = %(loga +logb).
n 1 1 1 . n s
Cau 93. Cho M = + + + o+ voil#a>0,x>0. Ménh dé nao
log,x log.,x log,x log , x
dudi day ding?
A M= KE+D B. M= Kk+1)
log, x 2log, x
c. p = 2kk+1) D. M= Kk+D)
log x 3log, x

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |HIRMS



Cau 94. Ménh dé nao dudi day sai?
A lnx>0<x>1.
B.log,x<0< 0<x<1.

C. log,a>log, b a>b>0.

3 3

D.logsa=log ;b a=b>0.

Cau 95. Ménh dé nao dudi day ding?

A. log, J7>0. B. 10g34<log4%.
5
C. log,,0,5<0. D. log,5>0.
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2C. PHUONG TRINH MU

». Dang 35. Phucong trinh mi

Cau 1. Tim nghiém cta phuong trinh 2> =8.

A.x=1. B.ng. C.x=2. D. x=4.

Loi giai tham khao

271 =8 2x-1=3x=2

Cau 2. Tim nghiém ctia phwong trinh 27* = 3.
A . x=1. B. x=2. C. x=3. D. x =

W |-

Loi giai tham khao

27":3<:>x=10g273:%.

Cau 3. Tim nghiém ctia phuong trinh 2% 5% =1,

A . x=2;x=-2+log,5. B. x=2.
C.x=-2+log,5. D. x=-2+log, 5;x=1.
Loi giai tham khao
¢ 275 =1 (x* —4)+(2-x)log,5=0

x=2

-2 2-log,5)=0 .
& (x=2)(x +2-log, 5) @L:_2+Iog25

w BAI TAP TU LUYEN v

Cau 4. Tim s8 nghiém ctia phuong trinh 3°2% =1.
A. 0. B. 1. C.2 D. 3.

A. x=4. B. x=3. C.x=2. D.x=1.
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Cau 6. Cho phuong trinh 2776 _ 1. Ménh dé nao dudi day dung?
A. Phuong trinh c6 2 nghiém duwong phan biét.
B. Phuong trinh ¢6 2 nghiém trai dau.
C. Phuong trinh c6 nghiém x=6.
D. Tong cac nghiém ctia phuong trinh bang 4.

Céu 7. Tim nghiém ctia phwong trinh 4% 732 4 457675 _ 4254357 4 1
A. x=11,x=2 va x=-5. B.x=1,x=2vax=4.
C.x=0;x=2vax=6. D. x=1,x=2vax=5.
Loi giai tham khao

2 2
Pat u=4""?>00=4"""">0=>u+v=uv+1

u=1 |x*=3x+2 .
= SAlR =>x=x1; x=2 va x=-5.
x“+6x+5=0

Céu 8. Tim tap nghiém S ctia phirong trinh 4% 2% 44772 = 1442742
A. S={0;-1;1;2}. B. S ={0;-2;-1,2}.

C. 5={-2;-1;1;2}. D. 5={0;,-1;1;3}.

Loi giai tham khao
Pua phuong trinh vé dang tich dé€ giai hodc thay cac gia tri x vao d€ kiém tra nghiém.

Cau 9. Tim s8 nghiém ctia phuong trinh 25 - 22+ =3
A.2. B. 3. C. 1 D. 4.

Loi giai tham khao
Dt t=2"".

Céu 10. Tim s6 nghiém cta phuong trinh 37*.2% +372* -2 =0.
A. 1. B. 3. C.2. D. 4.

Loi giai tham khao
Chon dap dan A.
bat t =37".2"

Cau 11. Phuong trinh 3**' —4.3* +1=0 ¢4 2 nghiém x,,x, trong do x, < x,. Ménh dé nao

dwdi day diung?
A x +x,=-2. B. x,.x, =-1. C.x +2x,=-1. D. 2x, +x, =0.
Loi giai tham khao
3" =1 _
2x x X, = 0
337-43"+1=0< 1=
33{ = 5 xl = _1
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Cau 12. Tim nghiém cta phueong trinh 9* -4.3" -45=0.

A x=2. B. x=3. C.x:l. D.x:l.
2 3
Loi giai tham khao
3" =-
Nghiém ctia phwong trinh 9* —4.3* -45=0 3 Sx=2.

Céu 13. Tim nghiém ctia phwong trinh 49* -7 -8 =0.
A. x=0. B. x=log, 8. C. x=0va x=log, 8. D. x=0va x=log,7.

Loi giai tham khao
49° 7 _8=0=49"-77" -8=0 < (7’f)2 —7.7°-8=0 (1)
Dt t=7%, >0
) t = 8(nhan)
D=t"-7t-8=0< _
t = —1(loai)

V6it=8<7" =8 x=log,8.

Cau 14. Tim tat ca gia tri m dé phwong trinh 4* —2*"° + 3 = m cé dung 2 nghiém
xe(l;3).
A.—-13<m<-9. B.3<m<9. C.-9<m<3. D. -13 <m<3.

Loi giai tham khao
Tim m d€ phuong trinh 4° -2 ° 4+ 3 =m 6 ding 2 nghiém xe (1; 3).
xe(;3)=2"€(2;8)
Xéthamsd y = f(t)=t> -8t +3 voi t €(2;8)
t | —o 2 4 8 +00
y - 0=
-9 3

’ N

D€ phuong trinh 4 —2%*° + 3 =m c6 ding 2 nghiém xe (1; 3) thi -13 <m <-9.

w BAI TAP TU LUYEN v

A x=1. B.x=1vax=-2. C.x=-2. D. x=0.
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A.S={2, 4}. B.S={1, 2}. C.5={-1,2}. D.S={1, 4}.

A 2. B. 1. C.0. D. 3.

A.S:z. B. 5=0. C.Szg. D.S:L.
9 4 100

A. 2. B. 3. C. 1. D. 0.
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Céu 20. Cho phuong trinh 3.25" —2.5"*! +7 =0 va cdc phat biéu sau:
(1) x =0 la nghiém duy nhat ctia phwong trinh.
(2) Phrong trinh c6 nghiém dwong.
(3) Ca hai nghiém phwong trinh déu nho hon 1.
(4) Phurong trinh ¢6 tong hai nghiém la —log, (;j .
SO phat biéu dung?
A. 1 B.2. C.3. D. 4.

Cau 21. Hoi, x =log, 3 la nghiém cua phuong trinh nao trong cac phuong trinh sau?

A. log, (3.3 ~4)=xlog,3+log ;9.  B.8 -2 =3({2 )SX

C. 8 -27" =(32 )3x . D. log, (222" 1) =4.

Cau 22. Hoi, x =3 khong la nghiém cua phuong trinh nao trong cac phuong trinh sau?

A. 3 +2371-27=0. B. log ; Vx+1+2log,(x-2)=2.
C. 3" +237 -1=0. D. log, x* +log,(2x ~1) = log, (4x +3).
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Cau 24. Tinh tong cac nghiém ctia phwong trinh V3 =5 +410-3° —\15.3* =50 -9* =
A. 4+log, 6. B. 2+log, 6.

1 1
C.1+Elog75. D. 10g7§—3.

7

Cau 25. Tim tat ca cac gia tri cta tham s6 m d€ phuong trinh 4" —4m(2" —1) =0 cb

nghiém.

m<0 1 1
. B.0<m<1. C.m>—. D. —<m<2.
m=>1 2 2

Cau 26. Tim tat ca cac gia tri caa tham s6 m d€ phuong trinh 4 —2m.2" + m+2 =0 c6 hai
nghiém phan biét.
A.m<2. B. 2<m<2. C.m>2. D.med.
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Cau 27. Cho phuong trinh 4.3 19,4709 _13 61 Goi g, Tan lwot 13 hai nghiém
cta phuwong trinh. Tinh tich ab.
A. abzﬁ. B. ab=1. C. ab=100. D. ab =10.

Cau 28. Tinh S=5" +5", biét x, va x, la hai nghiém ctia phwong trinh 25" -6.5" +5=0.
A.5=6. B.S=1. C.5=2. D.S5=3.

A. 1. B. 0. C. 2. D. 3.

Céu 30. Tim tat ca cac gia tri cia tham s6 m dé€ phwong trinh e** =2¢* + m ¢d nghiém.
A m=>-1. B. -1<m<0. C.-1<m<0. D. m>-1.

Cau 31. Tim nghiém ctia phuong trinh ¢* —3.e>* +2=0.
A.x:va:—%an. B.x=0vx:%1n3.

C.x=0vx:%1n2. D.x=0vx:%ln3.
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A.x=2. B. x=3. C.x=4. D. x=5.

A. x=0. B. x=1. C.xzz. D.x:—z.
3 3
Cau 34. Tim nghiém ctia phuong trinh 4***° =8~
A x=§. B x=g. C.x:é D. x=2
7 3 5
Cau 35: Tinh tong cac nghiém ctia phuwong trinh 4.3 +3.2* =12+6".
A.S5=3. B.S=6. C.5=-1. D.S5=5.
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2D. PHUONG TRINH LOGARIT

». Dang 36. Phucong trinh logarit

Cau 1. Tim nghiém cua phwong trinh log, (Sx - 2) =3.

A.x:E. B.x:E. C.x=3. D. x=2.
3 3
Loi giai tham khao

10g2(3x—2)=3<:>3x—2=8©x=%.

Cau 2. Tim nghiém ctia phuong trinh log, (x = 1) =3.
A. x=29. B. x=28. C. x=82. D. x=81.
Loi giai tham khao
log, (x-1)=3 = x-1=3" < x=28.

Cau 3. Tim tap nghiém S cua phwong trinh log, (2x — 8) =2
A. s={a}. B. S ={4}. C. 5={12}. D. 5 ={4;12}.
Loi giai tham khao

Piéu kién: 2x-8>0< x >4
log, (2x~8) =2 & 2x -8 =47 & 2x =24 & x = 12 (thoa diéu kién).

= BAITAP TU LUYEN v

Cau 4. Tim nghiém ctia phuong trinh log (3x - 11) =4.

A. x=5. B.x=E. C.x:1—7. D.x:§.
3 3 3

Cau 5. Tim tap nghiém S ctia phuong trinh log (sz - 21) =4.
A 5={-V5,5}. B.5={-55]. C. S={log, 5;log,5}. D.S={a}.
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A.x=1. B. x=9. C.x=2. D. x=3.

Cau 7. Tim nghiém cta phuong trinh log (2x -1) =2.
A. V6 nghiém. B. x=1. C.x=2. D. x=3.

A.x=2. B. x=3. C.x=4. D. x=5.

Cau 9. Hoi, x =log, 2 la nghiém cua phuong trinh nao trong cac phuong trinh sau ?
A. log, (3" +1)+log, (3 +9) = 3. B. 3.3"? -3 +1=0.
C. log, (3" +1).log, (3" +9) = 3. D. log, (3 +3).log, (3" +9) = 3.

Cau 10. Tim nghiém ctia phwong trinh log, (x ¥ 3) +log, (x = 1) =log, 5.
A x=-4. B. x=2. C.x=4. D.x=-4,x=2.

Loi giai tham khao
x+3>0
+) Dk: { =x>1.
x-1>0
+) log,(x+3)+log,(x-1)=1log, 5
< log,(x+3)(x—1)=log, 5
) x=-4
S x+3)(x-1)=5 ©x"+2x-8=0 < 5
X =
+) Két hop dk chon x=2.
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Cau 11. Tim s6 nghiém ctia phuong trinh log, x +log, (x = 1) 1.
A.2. B. 0. C. 1. D. 4.

Loi giai tham khao
bK: x> 1.
x = —1(loai)

PT <log=1 = 10g222[x(x—1):|<:>x.(x—1):2<:> .

Cau 12. Tim nghiém ctia phwong trinh log, x +log, (x W 3) =log, 4.
A . x=1. B. x=-4. C.x=1,x=-4. D. x=0.

Loi giai tham khao
log, x +log,(x +3) =log, 4 (1)
x>0 x>0
x+3>0

Diéu kién: { x>0

x>-3
Do d6 phuong trinh (1) < log, x(x + 3) =log, 4 < x(x +3) =4
x=1

e x=1
x=-4 (loai)

<:>x2+3x—4:0<:{

Vay phuong trinh c6 nghiém: x =1.

Cau 13. Tim s6 nghiém ctia phuong trinh log’ x —4log, (3x) +7=0.
A. 1. B. 2. C. 3. D. 0.

Loi giai tham khao
bat t=3".
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Cau 14. Tim nghiém cua phwong trinh log, (x - 1)2 +log (Zx - 1) =2.

A. V6 nghiém. B. x=1. C. x=2. D. x=3.

A. S={-1;7}. B. S={1,7}. C. 5={1}. D. 5={7}.

A. 5=101. B. 5=100. C.5=5. D. §=0.

Cau 17. Tim nghiém ctia phuwong trinh 1 + 1 =1lvoéia>1.
4+log, x 2-log, x
x:lz x:l x:1 x=1
A. a B. a-, C. a-, D. 1
1 . 1 . 1 x:—2
X:a—4 X—a—4 x—a—z a
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A. 0. B.1 C. 2. D. 3.

Céau 19. Tim tat ca cac gia tri cua tham s6 m dé€ phuong trinh
log? x +4/log? x +1-2m~1=0 c6 nghiém nam trong doan [1; 3£} )

A.0<m<2 B.0<m<2. C.lémég. D OSmS%
Cau 20. Tim nghiém ctia phwong trinh log, (6.2" - 3) —log, (4" - 4) =1
A. x=log,6. B. x=log, 3. C. x=log,2. D. x=-log, 3

Cau 21. Tim nghiém ctia phwong trinh Inx + ln(x + 1) =0.

x=_1_\/g x:i 1-45

1-45
2 2 " ol T e
A B. . .
:—1+\/§ :1+\/§ x:—1+«/§ 1++/5
2 2
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2E. BAT PHUONG TRINH MU

» Dang 37. Bat phuong trinh mii

Cau 1. Tim nghiém ctia bt phirong trinh 3" <81.
A. 4<x<1. B.x>1,x<-4. C.1<x<4. D. x>4;,x<1.

Loi giai tham khao
39 <81 3 <3 o x? + 3x < 4.
logl(%j

Cau 2. Tim tdp nghiém S cta bat phuong trinh 5 ° <1.
A. S =(2;+). B. S =(—;0). C. 5=(0;2). D. 5 =(0;+%).
Loi giai tham khao

x_

bK: 2>O<:>x<0vx>2

X

x-2
log, [TJ
3

Vay tap nghiém ctia BPT la: S =(-;0).

5

<1<:>Iogl(gj<0<:>x_2>1<:>_—2>0<:>x<0
ox x x

Céau 3. Tim nghiém cta bat phuwong trinh 2 > 3.
A. x<log, 3. B. x<log, 3.
3
C. x>log, 3. D. x >log, 2.
3 3

Loi giai tham khao

2">3"”<:>(§J >3« x<log, 3.

3

Céu 4. Tim tap nghiém S ctia bat phuong trinh 5+ < 2571,
A.S=[-1;2]. B. S=(-12). C.5=[-1,2).  D.S=(-12].
Loi giai tham khao
59 <25 o 5V < 5D oy 2 4y <2(x+1) & —1<x < 2.

Cau 5. Tim tap nghiém S cua bat phuwong trinh 9" -3 -6 <0.
A. S=(1;+x). B. S=(-o;1). C.S=(-11). D. Két qua khac.
Loi giai tham khao

bat t=3" (t>0)

Duavépt: * —t-6<0< -2<t<3
So vdi diéu kién 0 <t < 3

Suyra 0<3" <3 e x<1
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Céu 6. Tim nghiém cta bat phuwong trinh 9 -36.3*° +3<0.
A . 1<x<3. B.1<x<2. C.1<x. D. x<3.

Loi giai tham khao
Ditt =3"" (t >0) BPT thanh: t* -4t +3<0< 1<t<3
Vay 1<3"'<3<1<x<2,

Cau 7. Tim tap nghiém S cua bat phuong trinh 3**? —2.6* -7.4* > 0.
A. S=(1;+w). B. S=(-1;0). C.S=(0;+%).  D.S=(-o0;-1).

Loi giai tham khao
Chia hai vé& cho 4.

4° -2 +8

Cau 8. Tim nghiém cua bat phuong trinh ————— < 8~.
x>1 x>0
A x>1. B. . C.x>0. D. .
x<-2 x < -2
Loi giai tham khao
bat t =27
3x 41
Céu 9. Tim s6 nghiém nguyén cua bat phuong trinh (\/E — 3)"‘1 > (\/ﬁ + 3)"*3 :
A. 0. B. 1. C.2 D. 3.
Loi giai tham khao
3 w1 3 B
(VIO -3) > (J10.+3) e (10431 » (410 +3)
x-3 _x+1 -8

> & >0
x-1 x+3 (x=-1)(x+3)
< (x-1D(x+3)<0
&S 3<x<l=>x=-2,-1,0
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= BAITAP TU LUYEN v

Cau 10. Tim tap nghiém S caa bat phuong trinh (\/E )xz_zx < (\/5 )3 .
A. S =(-0;-1)U(3;+m). B. S=(-1;3).
C.S=[-1;3]. D. S =(—o0;-1]U[3;+).

2 2x
Cau 11. Tim nghiém cta bat phuong trinh 8*.2" > (JE ) :

A. x>1++/2. B. x <1-+/2.
C.1-2 <x<1+42. D. x>1++/2 hodc x <1-+2.

Cau 12. Cho ham s8 f(x) = 3*.4%" . Ménh dé nao sau day sai?
A. f(x)<1e x+4xlog,2<0. B. f(x)<1eo x+x°.log,16<0.
C.f(x)£1<:>x10g2\/§+2x3so. D. f(x)<1< xlog,3+2x° <0.

A, x>-2. B. x<-2. C.x>2. D.x<2.
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Cau 14. Tim nghiém ctia bat phuong trinh 3* 2 < 91,
A.O0<x<3. B. x <0 hoac x> 3.
C. -1<x<0. D. 0<x<1.

nghiém.
A.m<-2. B. m<2. C.m=>-2. D.m>2.

Cau 16. Tim nghiém ctia bat phuong trinh 5% +x"°&* < 10.

A. —<x<5. B.—SSxS%. C.1<x<5. D. V6 nghiém.

A. Sz[3;+00). B. Sz(—OO;l:|.
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2F. BAT PHUO'NG TRINH LOGARIT

». Dang 38. Bat phucong trinh logarit

Cau 1. Tim tap nghiém S cta bat phuong trinh log, (x - 2) >3.
A.S=[10;4+»).  B.S=(-x;10). C.S=(-%;10].  D.S=(10;+x).

Loi giai tham khao

Diéu kién x-2>0< x>2. Tacd log,(x-2)>3 < x-2>2" < x>10

Két hop voi diéu kién, bat phuong trinh c6 nghiém: S =(10; +oo) .

Cau 2. Tim nghiém cta bat phuong trinh log, (Zx — xz) >0.
A.x<2. B.0<x<2. C.0<x<2. D. x=1.
Loi giai tham khao
log,2x-x")20<2x—x* 21 x=1.

Cau 3. Tim nghiém cua bat phuwong trinh log, (2x + 1) <2.

A. x>2. B. x<3. C.x<4. D. x>5.
Loi giai tham khao

log3(2x+1)<2c>—%<x<4.

Cau 4. Tim nghiém ctia bat phwong trinh log, (2x - 1) >3.
A. x>4. B. x > 14. C. x<2. D. 2<x<14.
Loi giai tham khao
Do cos§ a=3>1nén log, (2x—-1)>3<2x-1>27 < x> 14.

w BAITAP TU LUYEN v

Cau 5. Tim nghiém ctia bat phirong trinh log, (2x +15) < 2.

A.—1?5<x<5. B.x>—1?5. C. x<5. D._T15<xs5.

(x2—5x+7)>0.
; +0

A.S=(-»;2).  B.S=(2;3). c.szz( ). D.S=(-0;2)u(3;+0).
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Ciu 7. Tim tap nghiém S ciia bat phuwong trinh log, (x2 —-3x+ 2) >-1.
2

A. S=(-;1). B. S=[0;2). C.S=[0;1)u(2;3]. D.S=[0;2)u(3;7).

Céu 8. Tim nghiém ctia bat phwong trinh log, (2x + 7) >-3.
3
7 7
A. x<10. B. x>10. C.—E<xS10. D.—E<x<10.

Cau 9. Tim gia trj thuc ctia tham s6 m d€ bat phuong trinh log, (x2 —4x+ 20) >m ludn
nghiém dung véi moi gia tri caa x.
A.m<4. B.m>4. C. m<16. D. m2>16.

Cau 10. Tim tap nghiém S cua bat phuong trinh log, (3x - 2) >log, (6 = 5x) .

A. S =(0;+%0). B.Sz(l;gj. C.S:[%;?)j. D. S=(-3;1).

Loi giai tham khao

2
3x-2>0 |¥73
DK : * = 3<:>xe Z,é (1)
6-5x>0 x<§ 35

BPT < 3x—-2>6-5x < 8x>8< x>1(2). T (1) va (2) ta cd DS: xe(l;éj.
5

Cau 11. Tim tdp nghiém S cta bat phuong trinh log? x > log, % +4.
1 1
A. S=|—0;=|U[2;+%). B.S=|=;4|.
2 2

C. sz(o,-ﬂu[e,;+oo). D. sz(o;ﬂu[@m).

Loi giai tham khao
Dat t =log, x.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc IR




Cau 12. Tim tdp nghiém S cua bat phuong trinh log, x* <log, (x ¥ 6).
A. S=(-2;3). B. S=(-3;2)\{0}.
C. 5=(-2;3)\{0}. D. S =(-0;-2)U(3;+).

Loi giai tham khao
Diéu kién {x S0
x>—6
log, x* <log, (x+6) = 2’ —x-6<0 = xe(-2;3) (2)
Tt (1) va (2) = Tap nghiém phuong trinh (—2; 3) \ {0}

Cau 13. Cho bat phuong trinh log, (2x* —x —1) > log, (x* +4x - 5).

2 2
Ménh dé nao sau day diing?
A. Bat phuong trinh ¢6 nghia khi x <-5.  B. Tap nghiém S =(1;4].
C. Bt phuwong trinh c6 nghia khi x > 1. D. Tap nghiém S = (—oo; 1) U (4; +0).

Loi giai tham khao

-1
X <—

x>1

2x* —x-1>0 x<-5
Diéu kién: < o>l o
x“+4x-5>0

[x<-5

_x>1

log,(2x* —x—1)2log,(x* +4x-5) < 2x" —x-1<x* +4x -5 x* -5x+4<0 < 1<x <4
2 2
Két hop voi diéu kién ta duoc: 1< x <4.
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Cau 14. Tim tap nghiém S cua bat phuong trinh
log, (x+1)—210g4 (S—x) <1-log, (x—2).
A.5=(3;5). B. 5=(2;3). C. 5=(2;5). D. 5=(-4;3).

Cau 15. Tim tdt cad cac gia tri thuc chia tham s6 m d€ bat phuong trinh
log, (7x2 + 7) > log, (mx2 +4x+ m) o tap nghiém R.

A. me[5;+oo). B. me(—oo;5]. C. me(2;5]. D. me(—oo;O)u(Z;+oo).

Cau 16. Tim tat ca cac gia tri thuee ctia tham s6 m bat phuong trinh
log® x —mlogx+m+3<0 c6 nghiém ndm trong khoang (1; +).
A. m<-3hoac m=>6.

B. m<-3.
C.m=>6.

D. 3<m<6.
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A x>1. B. x<1. C.0<x<1. D. log,2<x<1.

Céau 20. Tim tap nghiém S cua bat phuong trinh log, (sz -x+ 1) <0.
3

A. SZ(—l;EJ. B. SZ(O;EJ.
2 2
1

Cau 21. Tim nghi¢m cita bét phuong trinh log, {logl (xz ' %ﬂ -

2
A —1<x<E B —1<x<— C. ——<x<l D —§<x<—
4 4 4
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3A. NGUYEN HAM

». Dang 39. Nguyén ham ham da thirc, phan thirc

Cau 1. Tim nguyén ham ctia ham s6 f(x):3x2 +§.
2 3 2
A.J.f(x)dx:x3+xz+C. B.jf(x)dx:%+xz+(f.
C. If(x)dx:x3+x—22+C. D. J.f(x)dx:x3+x—22+C.
Loi giai tham khao
J-(3x2+£jdx:x3+x—z+c.
2 4
3 5
Cau 2. Tim nguyén ham ctia ham s6 f(x):x2 (%—1} .
3 6 3 6
A. J.f(x)dx:(ic—S—lJ +C. B. J.f(x)dx=6(ic—8—1] +C.
(2 Y (2 Y
C. jf(x)dx=g(E—IJ +C. D. J.f(x)dx=5(g—1J +C.
Loi giai tham khao
bat tzﬁ—l.
18

Cau 3. Cho f’(x):3(x+2)2,f(0)=8. Ham s& y:f(x) la ham s6 nao trong cac ham sau
day?

A. f(x)=2(x+2) -8. B. f(x)=(x+2) +4.

C. f(x)=6(x+2)-4. D. f(x):(x+2)3.

.....

Str dung f(x)=[ f'(x)dx.
Gia thiét f(0)=8 giup ta tim duoc hang s5 C .

Ciu 4. Tim gia tri cua tham s6 m d€ ham sd F(x): mx’ +(3m+2)x2 —4x+3 la mot

nguyén ham ctia ham s8 f(x) =3x* +10x—4.
A.m=3. B. m=0. C.m=1. D.m=2.

Loi giai tham khao
Ap dung F’(x) = f(x) va dong nhat hé sd ta co m =1.
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Cau 5. Tim nguyén ham ctia ham s f (x):%.
X
1 1
A.If(x)dx:—ngC. B.J-f(x)dx:F+C.
C. J.f(x)dx:—%x2+c. D. If(x)dx:ln3‘x‘+c.

Loi giai tham khao

2
Cau 6. Tim nguyén ham cua ham s6 f(x) = el —x1+1
1 1
A. jf(x)dx_x+m+c. B. jf(x)azx_n(x_l)2 +C
2
C. If(x)dx:x?+ln‘x—1‘+C. D. J‘f(x)dx:x2 +ln‘x—1‘+C.
Cau 7. Tim nguyén ham ctia ham s6 f(x) = — 1
x°=3x+2
x—2 x+2
A If(x)dlen 1 +C. B.If(x)dlen 1 C.
x—-1 x+1
C jf(x)dx:lnx_z +C D. [ f(x)dx=In |*+C
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4 3
Cau 8. Tim nguyén ham F(x) cua ham so f(x) _xF2el

3
A —+x2——+§. B %— 2—1+§
x
3 3
c Xt 1.2 D.L -1 9
3 3 X

A NP A A 1A A T ol oA 2+
Cau 9. Ham s6 nao sau day khong la mot nguyén ham cta ham s6 y = X2+%),

(x +1)
2 . 2
A _X—x 1‘ B. _X +x+1
x+1 x+1
2 2 _
C.y- X D, =X *X 1
x+1 x+1

Cau 10. Tim nguyén ham F(x) cta ham s6 f(x) = thoa man f(x) = ax+%, (1) =0,
x
f(1)=4, f(-1)=2.

2 2
A.x—+l+§. B.x——1+§.
2 x 2 2 x 2
2
c X 1.5 D. Két qua khac.
2 x 2
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ax+a*+3

Cau 11. Tim gia tri cua tham s6 a d€ ham sd F(x) = 2 la mot nguyén ham cua
x—
, -6
ham s6 f(x) = .
Py
A.a=-1. B. =1 hoac a=-3.
C.a=3. D.a=-1 hoaca=3.
Cau 12. Tim nguyén ham ctia ham s§ f(x) = il - L
x
1
A. .[f(x)dx——ln‘x‘Jr;JrC. B. [ f(x)dx= 1n\x\——+c
1
C. If(x)dx-ln‘x‘+;+C. D.J-f(x)dx——ln‘x‘—;+C.
Cau 13. Tim nguyén ham ctia ham s6 f(x) = (3x - 1)5.
1
A. f(x)dx=§(3x—1)6+C. B. [ flxydr=— (3x 1) +C.
1 1
C. jf(x)dx:E(3x—1)5 +C. D. jf(x)dx:g(ax—1)6 +C.
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» Dang 40. Nguyén ham ham can thirc

Cau 14. Tim nguyén ham ctia ham s§ f(x)=x" + 3 oyx.
x

A. J’f(x)dx:x—;+3ln‘x‘—%\/x73+C. :

X _2 /e
B.jf(x)dx—3+3lnx 3\/37.

C. J.f(x)dx:§+3ln‘x‘+§\/x—3+c. —

D. J‘f(x)dx:x; —31n‘x‘—§\/x—3+C.

e 2

Loi giai tham khao

(3 22k = e [ 202 Vo

= '[xzdx+3j.ldx—2j-x;dx :1x3 +3ln‘x‘—éxz +C
X 3 3 '

A. If(x)dx=%(1+x2)§+C.

C. If(x)dx=§(1+x2)§+C.

.....

Flx)= [N e = [ (1o = 2 (1 (10 ) = (1 2°)f

Cau 16. Tim nguyén ham ctia ham s6 f(x)=v3x+2.
A. J.f(x)dx :§(3x+ 2)\/3x+2 +C.

C. [ fadx == (3x+2)Bxs2 +C.

.....

Ta co If(x)dx = j\/3x+2dx = I(3x+2); dx = %(E’m + 2)\/3x +2+C.

B. If(x)dx:§(3x+2)\/3x+2 +C.
D. J-f(x)dx :§(3x+2)\/3x+2 +C.

Cau 17. Tim nguyén ham ctia ham s§ f(x)=xv1+x* .
A. jf(x)dx:%(\/1+x2)2+C. B. jf(x)dx:%( 1+x2)3+C.
C. J.f(x)dng(\/l+x2)2+c.

1 2
D. jf(x)dx:—( 1+x2) +C.
Loi giai tham khao

3
jx\/1+x2dx:%I\/1+x2d(l+x2) :%2(\/1+x2 )2 +C.
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Cau 18. Tim nguyén ham cia ham s6 f(x)=3/3x +1.

A. [ f(x)dx=(Bx+1)A3x+1+C. B. .[f(x)dx=%\3/3x+1+C.
C. .[f(x)dx:i(3x+1)\3/3x+l +C. D. | f(x)dx=Y3x+1+C.
Loi giai tham khao
4
1d4(3x+1) 1 1 1(3x+1)3
jf(x)dx:j\3/3x+1dxzj(3x+1)3%zg.[(3x+1)3d(3x+l):§( : ) +C
3
= [ F(xpx = (3x+1)¥xTC.
Cau 19. Tim nguyén ham ctia ham s6 f(x) =/x? +11—4.
—-X
A. jf(x)dngi/x_5+14ln‘1—x‘+C. B. jf(x)dx:—gg/xT+14ln‘1—x‘+C.
C. jf(x)dngg/x_s—lélln‘l—x‘JrC. D. If(x)dx:%%/x—5+14ln‘1—x‘+C.

e 2

Loi giai tham khao

jdx:'[[x§+14.% ngé/xj’—lélln‘l—xhC.

- X

j[

14
1-x
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Cau 20. Tim nguyén ham ctia ham s§ f(x)=

1

1+\/;'

A. jf(x)dx:2\/;+C. B. J.f(x)dx:ZIn‘\/;+1‘+C.

C. [ f(x)dx=2vx -21n|Vx +1+C. D. [ f(x)dx=2x ~2mnNx +1]+C.

Cau 21. Tim nguyén ham ctia ham s§ f(x)=

A. [ f(x)dx =2x-1-2In(\2x-1+4)+C.

B. [ f(x)dx =V2x—1-In(\2x-1+4)+C.
C. [ f(x)dx =V2x-1-4In(V2x-1+4)+C.
D. [ f(x)dx =2y2x-1-In(V2x-1+4)+C.

Cau 22. Tim nguyén ham ctia ham s6 f(x)= L
X+NX
A. [f(x)dx=2In(Vx +1)+C. B. jf(x)dx=21n\/;1+1+c.
C. jf(x)dx=21n(& %}C. D. [ f(x)dx=2Infx++x|+C.
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Cau 23. Tim nguyén ham ctia ham s§ f(x)=

1
2x+x\/;+\/;'

A. J.f(x)dx:—\/;+x+C. B.J.f(x)dx:—\/;+1+C.
C J.f(x)dx:_\/;+2x+1+C D. J'f(x)dx——z\/;2+x+c

Chu 24. Tim nguyén ham ctia ham s8 f(x) = Jx? +k véi k#0.

A. [ f(x) dx=£m+kln‘x+\/m‘+c.
x+\/ﬁ‘+c.
x+m‘+c.

B. J'f(x) :— x° +k+—1n

C. jf(x)dx —In

Cau 25. Cho F(x)=3x+1=(ax* +bx+c)v2x-1 la mot nguyén ham ctia ham s§
10x% -7x+2
f(x)=——F=—=—

V2x-1

A.5=3. B. 5=0. C.5=4. D. S§=2.

trén khoang (%;Jrooj. Tinh S=a+b+c.
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Cau 26. Tim céc gia tri cua tham sd a, b, ¢ d€ F (x) = (ax” +bx + c)v2x -3 1la mdt nguyén

ham cta ham s6 f(x ( ) 20x7-30x+7 trong khoang (§;+oo].
V2x-3 2
A.a=4,b=2,c=2. B.a=1,b=-2,c=4.
C.a=-2,b=1,c=4. D.a=4,b=-2,c=1.

Cau 27. Trong cac ham s6 sau:

(1) f(x)=vx+1 (1) f(x)=v*+1+5
(1) £ (x) == (V) £(x)=-5—=-2

Hoi ham s nao ¢ mot nguyén ham la ham s& F(x) = ln‘x +4x% + 1‘ ?

A.Chi (I). B. Chi (IIT). C. Chi(II). D. Chi (IIT) va (IV).

2
Cau 28. Tim nguyén ham ctia ham s& f(x) = (%/; + ij .

NP

A [ f(x) dx:—x\/_Jr \/—+1n\x\+c B. [ £(x) (\/L%j:c.

C. J.f(x)dx:(xi’/;+\/;) +C. Dj'f( dx:—x\/—+ln‘x‘ \/—+C.
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Cau 29. Tim nguyén ham ctia ham s§ f(x)=

A. If(x)dx =V1+x* +C. B. If(x)dx=1n‘a+x2‘+(f.
C. If(x)dx =Na’* +x* +C. D. J’f(x)dx:h’n/a2 +x* +C.
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» Dang 41. Nguyén ham ham lugng giac

Cau 30. Tim nguyén ham ctia ham s& f(x) = sin® x.
A [ f(x)dx=2-302% . B. [ f(x) % S“f’%c.
C. jf(x)dx:§—8112x+c. D. [ f(x)dx =7+ smzzx+c.
Loi gidi tham khéo
[ sin® xdx = | —dl cos2y _sn2r e
Céu 31. Tim nguyén ham ctia ham s8 f (x) = sin(2x +1).
A. [ f(x)dx=cos(2x+1)+C. B. J.f(x)dx:_?lcos(Zx+1)+C.
C. [f(x) dx=—cos(2x+1)+C D. [ f(x)dx=—cos(2x+1)+C.

Loi giai tham khao

jsin(2x+1)dx :%Isin(2x+1)d(2x+1) - —%Cos(2x+1)+C.

Cau 32. Tim nguyén ham F (x) cua ham so f(x) =1+sin3x thoa man F (%j =0.

A. F(x):x+lcos3x—£. B. F(x):—lcos3x—£.
3 6 3 6

C. F(x):x—lcos3x—£. D. F(x):x—lcos3x+£.
3 6 3 6

Loi giai tham khao

1 s
F(x)—x—gcos3x—g.

Cau 33. Tim nguyén ham F(x) cua ham s8 f(x)=2x"-3x"+1-sin2x thoa mén
F(0)=1.

4 3 4 3
A. F(x):Zx——3x—+x+l.c052x+l. B. F(x):Zx—+3x—+x+l.c052x+l.
4 3 2 2 4 2
4 3 4 3
C. F(x):2x——3x——x+l.cos2x+l. D. F(x)=2x——3x—+x+l.cos2x—l.
4 3 2 2 4 2

Loi giai tham khao
4 x3

F(x) :I (2x3 —3x° +1—sin2x)dx:2x——3—+x+1.cos2x+C
4 3 2

Vi F(0)=1 nén %COSO+C:1:>C:%.
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Cau 34. Cho f'(x)=3-5sinx va f(0)=10. Ménh dé nao dudi day la ding?

A. f(x)=3x+5cosx+2. B.f(ﬂ')=37l'.
Cf(Zj:%Z D. f(x):3x—5cosx.
Loi giai tham khao

f(x):J-f'(x)dx:3x+5cosx+C; f(0)=10<=C=5

Vay f(x):3x+5cosx+5:>f(7z):37z.

Cau 35. Ménh dé nao dudi day la sai?

A. Icosxdx:sinx+C. B. J.sinxdx:—cosx+C.

C. je"dx=e"+C.

1
D.
j sin® x
Loi giai tham khao

dx=—-tanx+C.

J- .12 dx =-cotx+C.
sin” x

Cau 36. Tim nguyén ham ctia ham s§ f(x) =1+ cot® x.
A. jf(x)dx:tanx+C. B. jf(x)dx:—tanx+C.

C. .[f(x)dx:cotx+C. D. J.f(x)dx:—cotx+C.
Loi giai tham khao

J-(lJrcot2 x)dxzjsin xdx =—cotx+C

Cau 37. Tim nguyén ham ctia ham s6 f (x) =XCOSX.
A. If(x)dx =xsinx —cosx+C.

B. jf(x)dx:—xsinx—cosx+C.
C. .[f(x)dx:xsinx+cosx+C.

D. J-f(x)dx =—xsinx+cosx+C.
Loi giai tham khao
bat u=x, dv =cosxdx; ta chon du=dx,v =sinx.

Do do I :xsinx+jsinxdx =xsinx—cosx+C.

Cau 38. Tim nguyén ham ctia ham s8 f (x) = sin 3x.cos5x .

A. jf(x)dXI%COSZX—%COSSx—I-C. B. jf(x)dx:isian—%0038x+C.

C. If(x)dx:iCOSZx—%sin8x+C. D. jf(x)dx:—ic052x+licos8x+c.

Loi giai tham khao
1¢/. . 1 1
If(x)dx = Ej(sm 8x —sin 2x)dx = Zcost - EcosSx +C.
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Cau 39. Tim nguyén ham ctia ham s f (x) = izsinlcosl.
x X X

A. jf(x)dx:icos%+c. B. J-f(x)dx:%sin%+C. C.

1 1 1.2
_[f(x)dx :Zcos;JrC. D. J-f(x)dx :Zsm;+C.

Loi giai tham khao

bat t:l
X

Ciu 40. Tim nguyén ham F(x) cta ham s6 f(x) =— thoa man F (0) =1.

cos” x
A. —tanx. B.1-tanx. C.1+tanx. D. tanx—1.
Loi giai tham khao
Chon dap an B.
F(x)= |- 12 dx=—tanx+C. F(0)=1nén C=1.
cos”x

= BAITAP TU LUYEN v

Cau 41. Tim nguyén ham ctia ham s§ f(x) = x2
cos’x
A. jf(x)dx :xtanx+ln‘cosx‘+C. B. If(x)dx :xtanx+1n‘sinx‘+C.
C. J.f(x)dx =xtanx—ln‘sinx‘ +C. D. J-f(x)dx =X tanx—ln‘cosx‘ +C.
Cau 42. Tim nguyén ham ctia ham s6 f(x)= sinz a
cos” x
1 1 1 1
A If(x)dx " 3cos’x cosx ve B. If(x)dx ~ 3cos’x cosx v
1 1 1 1
< J.f(x)dx “Bcos’x | cosx e D- _ff(x)dx " 3cos’x cos’x e
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Cau 43. Tim nguyén ham ctia ham s f (x):%.
sin” xcos” x
A. '[f(x)dx=cotx+tanx+C. B. J.f(x)dx=—cotx—tanx+C.
C. J'f(x)dx:—cotx+tanx+C. D. If(x)dx:cotx—tanx+C.
1

Chu 44. Tim nguyén ham cua ham s6 f(x) = (cosx+sin x)z :

Cauds. Cho 1= [ g0 j{fn B(_ﬂd Tinh gié trj A, B
COS X + Ss1nx COS X + SsInx

A.A:le. B.A:B:—l.

2 2
ca--1p-1 D.A=<,B=-1.
2 2 2 2
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Cau 46. Tim nguyén ham ctia ham s f(x) = xsinv1+2* .
A [/ (x)dx =112 cosiI+2? +sinl+27 +C.
B. [/ (x)dx =1+ cos1+ 2% —sin1+ 2% +C.
C. [/ (x)dx=\1+ 2 cosv1+2* +siny1+27 +C.

D. J.f(x) dx =1+ x? cos 1+ x% —siny/1+x2 +C.

Cau 47. Xét cac ménh sau day:

2
(I) F(x)=x+cosx la mdt nguyén ham cua f(x)= (sin% - cosgj

4
(1) F(x)=2-+6Jx lamot nguyén ham ctia f(x)=x* +—=
4 Jx
(1) F (x) = tan x 1a mot nguyén ham ctia f(x)=—In|cos ]
Ménh dé nao sai?
A. (1) va(rr).  B.Chi (1I). C.Chi (17). D. Chi (1) va ().

Ciu 48. Cho ham sd F(x) = e"ﬁ(a tan’ x+btanx+c) 12 modt nguyén ham caa

f (x) = ¢ tan’ x trén khoan (—% Ej Ménh dé nao dudi day ding?

A. F(x) "I(ltan x—ﬁtanx+£].
2 2

<
-
-

2 1’car12x——2tar1x+l )
2 2 2

ﬁ
N |~

X

tanzx+—2tanx—|-l )
2 2

V2 ﬁ]

tanzx—Ttanx—— )

ﬁ
N | =

X
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Cau 49. Tim nguyén ham ctia ham s§ f(x) = tan” x
A. If(x)dx:tanx—x+C. B. If(x)dx:tanx+x+C.
C.If(x)dx=—tanx—x+C. D.If(x)dx:—tanx+x+C.

Cau 50. Tim nguyén ham ctia ham s6 f (x) = xcos(xz) .

A. jf(x)dx:%sinxw. B. .[f(x)dx:—%sinx+C.

Cau 51. Tim nguyén ham ctia ham s§ f(x) = xsin® x.

A. If(x)dx:%xz —xsin2x—%cost+C. B. J‘f(x)abc:%x2 —xsin2x—%cos2x+C.

C.J.f(x)dx=%x2—(x+%)c052x+€. D. If(x)dx :%xz—xsin2x+%0052x+C.
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Cau 52. Cho a #0, C la hang s6. Ménh dé nao duéi day sai?
A. 'fsin(ax+b)dx = —1cos(ax+b)+C. B. '[cos(ax+b)dx = —1sin(ax+b)+C.

a a
a . 1 a+ ax+b _1 ax+b

C. [(ax+b) dx—a(a+1)(ax by +C. D. [e dx =—e™" 4 C.
Cau 53. Tim nguyén ham ctia ham s& f(x) =sin2x+cosx.

A. If(x)dx:COSZx—sinx+C. B. If(x)dx:—%c052x+sinx+C.

C. J.f(x)dx=—c052x+sinx+C. D. J‘f(x)dx:sin2x+sinx+c.
Cau 54. Tim nguyén ham ctia ham s6 f(x):x2 +l—sin2x.

X
x° 1 x’ 1
A. If(x)dx:?+ln|x|+§cos2x+C. B. If(x)dx:?—ln|x|+Ecos2x+C.
3 3

C. If(x)dx=%+ln|x|—%cost+C. D. [ f(x)dx %+ln|x|+%cos2x.
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» Dang 42. Nguyén ham ham mi - logarit

Cau 55. Ménh dé nao sau day la sai?

A.y=e"=F(x)=-e"+C. B.y:lx:F(x):—e”%C.
e
C.y=—"=F(x)=e"+C. D.y:—lx:F(x):—e’x+C.
e

J-e"‘dx =—-¢ " +C = Dap an A dung.

J‘lxdx = je"‘dx =-¢ " +C = Dap an B dung.
e

[-edx =~[e7dx = +C = Dép én C dung.

J'—lxdx = —J-lxdx = —J-e"‘dx =e " +C = Dap an D sai.
e e

X

Cau 56. Tim nguyén ham ctia ham s6 f (x) =xe .
A.J.f(x)dx:x.ex—e"JrC. B.If(x)dx:xex+ex+C.
C.If(x)dx:—x.ex—ex+C. D.J-f(x)dx:ex—x.e"+C.

.....

+ '[f(x).dx:'[x.ex.dx
+batu=x=du=dx vadv=e"dx=v=¢e"
+Vay '[f(x).dx =x.e" —'[ex.dx: xe' —e' +C

Cau 57. Tim nguyén ham ctia ham s6 f (x) = 2xe* .

A. If(x)dx =2¢" +C. B. If(x)dx =2x%* +C.
C.If(x)dx:exz+C. D.If(x)dx=2xex2+C.
Loi giai tham khao
Pat t = x%.
Cau 58. Tim nguyén ham ctia ham s§ f(x) = x1+1.
e
A. If(x)dx:x+ln(ex +1)+C. B. If(x)dx:—x+ln(ex+1)+C.
C. jf(x)dx:—x—ln(e"+1)+C. D. jf(x)dx:x—ln(ex+1)+C.
Loi giai tham khao
bat t=¢"+1.
evx
Cau 59. Tim nguyén ham ctia ham s§ f(x)=—.
Jx
A. J.f(x)dx:2eJ;+C. B. J.f(x)dx:e2&+C.
Vx
C.J‘f()c)dx:e2 +C. D.J.f(x)dx:e&+C.

e 2

Loi giai tham khao
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Pt t =z .

Cau 60. Ménh dé sau day ménh dé nao diing?

dx 1 1
I YO n(x? Jig —.
( ) fx2+4 2ln(x +4)+C ( ) fcotxdx sin2x+c

(1) f > sin xdx = %ez +C

A.Chi (I). B. Chi (11I). C.Chi (/) va (). D.Chi (1) va ().

.....

d(x* +4
jxfile :% (x2+4 ) :%ln(xz rd)+C

jezmsx sin xdx = —lje“’s"d(cos x) = —lezcos" +C.
2 2

= BAITAP TU LUYEN v

n . N . o 1n(1nx)
Cau 61. Tim nguyén ham ctia ham s f (x)z .
xInx
2 2
A'J‘f(x)dXZW"'C- B. J-f(x)dx:ln (2lnx)+c.
2 In? (In? x
C If(x)dx=—erc. D. J‘f(x)dx:¥+C

Cau 62. Tim gid tri cua tham s6 a, b d& F(x)=(ax+b)e* la mdt nguyén ham ctia ham s§
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Cau 63. Tim nguyén ham F(x) ctiaham s8 f(x)=xe" " thoa man F(0)= o
A. ex; e B. ex;ﬂ e C. ex: —e. D¢ e
Cau—MTl m nguyenham Cuahamsof(x . ex(z; +e3) .........................................................
A. [ f(x)dx =2xe* —2¢* —ie“ +C. B. [ f(x)dx =2xe +2¢" —ie“ +C.
C. [ f(x)dx =2xe* +2¢" +%e4x +C. D. [ f(x)dx =2xe* - 2¢* +%e4" +C.

Cau 65. Cho 2> 0 va a# 1. C la hang s6. Ménh dé nao sau day la dting?

2x
A. ja"dx:a".lnaJrC. B. Iazxdx: “_.cC.
2lna
C. Iazxdx:a2x+C. D. J-azxdx:azx.lnaJrC.
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A. jx_—mdx. B. I\/—x2+2x—2dx.

x—1
C. .[ sin 3xdx . D. J-e“xdx.

Loi giai tham khao
Trong y B biéu thtkc trong can luon am nén ham khong lién tuc dan dén khéng c6 nguyén
ham

Cau 67. Cho F(x) la mot nguyén ham cua ham s6 f (x) trén khoang (a;b). Gia st
G(x) ciing 1a mot nguyén ham cua f(x) trén khoang (a;b). Ménh dé nao dudi day la
dzing”
) G(x) trén khoang (a b)
x) F(x) M trén khoang (a'b) véi M 1a mot hiang s8 nao do.
) G x) +C v6i moi x thudc giao ctia hai mién xac dinh.
(

x) va G x) 1a hai ham s6 khong 6 su lién quan.

Cau 68. Nguyén ham nao dudi day khong ton tai?
2
A. f(x):x—x2 B.f(x)le—x2+2x—2.
C. f(x)=sin3x. D. f(x)=
Loi giai tham khao
Tacéd: —x* +2x-2<0 VxeR= Vay khong ton tai v—x’ +2x -2

nén khong nguyén ham I\/ —x% +2x —2dx
—-x+1

/4 .« A? Vs x /4 ~ o« A? Vs . /4 ~
Mat khac:biéu thtrc : 1 c6 nghia V x # 1, biéu thikc: sin3x; e**x c¢6 nghia Vx.
x f—
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3B. TICH PHAN

». Dang 44. Tich phan ham da thirc, phan thic

b
Cau 1. Tim cac gia tri caa b sao cho j(2x —4)dx =5.
0

A {5). B. {~1;5. C. {-1}. D. {~1;4}.

Loi giai tham khao

b=-1

b b
[x—4)dx =5 (x* - 4x) :5@1)2—41)—5:0@{]) 5
0 0 =

1
Céu 2. Cho = | [3x2 “2x+1In(2x + 1)]dx. Tim gia tri ctia a biét I =blna—c véi a,b,c
0

l1a cac sO hiru ti.

A.a=3. B. a=-3. C.azz. D.az—z.
3 3
Loi giai tham khao
1 1 1
1= [3x2 2x+In(2x + 1)]dx =| [3x2 —2x]dx +[[In@x+1)]dx=1,+1,
0 0 0
s e w Ju=In2x+1)
Giai I, bang phuwong phap ting phan
dv =dx
3
I=—In3-1=>a=3.
2
= BAITAP TU LUYEN v
0
Cau 3. Tinh tich phan [ = sz(x+ 1)°dx .
|
I=_—7 IZ_—l. C.I=i DI:L
70 60 15 60
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0
Al=——t B.l=—. C.I=-1. D.1=2.
42 42 6 6
1
A ’ ’ A 3 1000 2
Cau 5. Tinh tich phan / :J.(x +3x) (x"+1Ddx.
0
41001 31001 41000 31001
= . I= A= = .
3003 3000 3000 3003
tx?+4x
Cau 6. Tinh tich phan I = | d
X
1
29 11 -11 -29
A [=—. B. [=—. Cl=—-. D.[=——.
2 2 2
Loi giai tham khao
2 2 2
1=[2 +4xdxzj(x+4)dx=2.
1 X 1 2
0o d
Cau 7. Cho I =Ina. Tinh gia tri cta a.
12X —
A.2. B. 3. C.4. D.5
Loi giai tham khao
5
J- ax :lln(Zx—l) ‘5 :lln9:1n3.
Jox-1 2 )
Cau 8. Tinh tich phan [ = [ —
—— 2 01+
A 1=2. B.1=--Z. ci=Z D.1=-Z.
4 4 2 6

Loi giai tham khao
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Pat x =tant, te (—ggj, viét tich phan theo bién t va caccan mdéi t =0, ¢ = % roi tinh

tich phan mdi nhan dugc.

Tk x =tant ta co: dx = dt =(1+tan2 t)dt

cos’ t
1 dx = %;.(l—ktanzt)dt:j%dt: Igzz.
x? 0 1+tan’t 0 0 4
Céu 9. Cho jMd —a+bIn3.Tinh P=ab.
2x+1
A.P:-ﬂ. B.p=2L, C.po—2. D. P2
4 4 21 21
Loi giai tham khao
J-Zx +3x-6 =§—Zln3

1 16
Cau 10. Tinh tich phan I = | dx .
0
2
A 1=110%Ine. B. [=-10"In—25—.
2 e +1
2 2
C.1=210"In—22_ D. I=210"In-°
2 e +1 2 e +1
Cau 11. Cho J;dlen— Tinh gia tri cta k
+2x+k
A. k=1 B. k=4 C. k=2 D. k=2
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A s 7 A 1 (x_3)8
Cau 12. Tinh tich phan / = .[—10

0(2x+1)

318 -2° 318 4 20

A1 .
63.3° 63.3°

2x +5-7x

Cau 13. Tinh tich phan 7= |
X
1

AT=4Je—-Te+8. B.I=TJe—4e+8.

2
Cau 14. Tinh tich phan / = Ix.(l - x)5 dx.
1

Ar=-2 B. /-2
13 42
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». Dang 45. Tich phan ham can thirc

1
Céu 15. Tinh tich phan / = [ x*1-x"dx.
0

A1=Z2. B./=2. c.r==. D./=2L.
2 8 4 16
Loi giai tham khao
t=0
v n : . x=0
Doi bién s6 Dat x = sin¢, d6i cén{ l:> -
X = {=—
2
12x7 +dx+1
Cau 16. Tinh tich phan [ = | —————dx.
P '([ V2x +1
A 1=218 B. /=228 c.1=2%  p =208
15 15 15 15
Loi giai tham khao
2_
Dt t=+/2x+1 P =24l x= 1:>tdt=dx
x=4= t=3
x=0 = t=1
2 2
o rdxl=2| L] g L2 o E 20
2 2
t'+21 -1
33— 3 5 2 3
I:j41.dt:lj(r“+2t2—1).dt:l LA T
L 2) 205 3 J1 15
N
17, |2
Cau 17. Tinh tich phan / = | ———==dx.
0 1—)62
Ar=%_1 B.7=%+L cr=-=_1 D./=1_Z
4 2 8 4 8 4 4 8

Loi giai tham khao
bat x =sint khi d6 dx = costdt

e A . 2 T
Po6i can: voi x=0=1¢=0; x:£:>¢=_
2 4
H H H
sin? tcost sin? tcost 1
Ta co: 1 j j —j(l cos2t)dt
y V1 —sin’ t ) cos®t 29

T
4

=l t—lsin2t
2 2

0

r_Z
T
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| 3B. Tich phan
3 x°
Cau 18. Tinh tich phan I = | dx
o Vai+1
AT=2, B.I=—2. cr=2. D.I=—2.
3 3 3 3
Loi giai tham khao

Pat u=Vx*+1 = u* = x* +ludu = xdx
x=0 = u=1;x=\/§ = =2

3 3 2 3
X u 2 4
dx= | (u* - Ddu =(——uj =—,
'([\/x2+1 J; 3 I3

V7 xXdx
Cau 19. Tinh tich phén I = .
'0[ \3/1+x2
A =141 g 714 c 7141 pD.1=--%

10 10 20 10
e
Céu 20. Tinh tich phan /= [min{x;3/2 - x dx.

0
Cr=-> D.7=>.
4

B.I=-2.
5

[ Nguyén Viin Luc |HIPAS

Facebook: www.facebook.com/VanLuc168

File word lién hé qua



0
AI=%. B. /=1

C.r=-2 D.7=--2
3 3

c.1==~ D.I=x
2

cr=" D. =
5
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». Dang 46. Tich phan ham lugng giac

T

6
Céu 24. Tinh tich phan I = j tanxdx .

A.Izln%. B. = £ C.I=In i D.I=1In2.
Lm giai tham khao
S % . 5 ks
Itanxdx:jSIHX j 1 cosx :—Incosx 6 :—lnﬁ.
0 ) COS X 0cosx 0 2

Céu 25. Tinh tich phan 7 = [ x.sinxdx.
0

A.I:%. B.1=0. C.l=r. D./=1.

Loi giai tham khao

Vi Vi Vi
. T . T
I = jx. sinxdx = —j xd(cos x) = —x cos x‘o +j cos xdx = (—cosx + smx)‘0 =7.
0 0

3
Cau 26. Tinh tich phan [ = j cosx + 1 sin xdx .

AI=2 B.[=—2. cr=2 D.[=-2.

4 4 2 2
Loi giai tham khao

bat t=cosx+1:>dt=—sinxdx.Dé’icé_nx=0:>t:2;x:%:>t:1;

Cau 27. Tinh tich phan I = [ #(2x +3).sin4x.dx.

AT=Z_3 B.1=%4+3, cr1=%43. D.1=2+3.
8 2 2 8 8 2 8
Loi giai tham khao
B '  (u=2x+3 , du =2.dx
I = j“(2x+3).sm4x.dx. Dit : i ta co: 1
0 dv = sin 4x.dx v= —Zcos 4dx.dx

v

= 4
+lf4cos4x.dx: —l(2x+3)cos4x+l.l.sin4x :£+§.
270 4 2 4 8 2

0

v

=1= (—l(Zx + 3)cos4xj4
i

0
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' 3B. Tich phan

5
Céu 28. Tinh tich phan / = [ xcos xdx.
0

AT=Z41, B.7=1-2. cr=Z D. /=21
2 2 2 2
Loi giai tham khao
= du=d % E
Dat nes N .x :I:xsinx‘ J-smxdx——+cosx2 -2 9,
dv = cosxdx v =sinx 9 2
i
Cau 29. Tinh tich phan [ = Ies‘“" cos xdx .
0
V2 V2 V2 V2,
Al l=e?. B.I=¢2 +1. C.l=e? -1. D.[=e?
Loi giai tham khao
D oz
Ta co I:'[es”"‘d(sinx):es"‘";l =e? —1.
0
2
Cau 30. Tinh tich phan I = j sin 2x cos xdx .
2
1 1
A.I=0. B.I=1. Cl=—. D.[=—.
3 6
Loi giai tham khao
2
I= j sin 2x cos xdx = 0.
B
Cau 31. Tinh tich phéan I = I sin’ x.cos” xdx .
0
AT=Z. B.1=2. cr==. D. /=2
6 3 8 4
Loi giai tham khao
T, s 17 ., 17 1 1. "
I=J.sm X.COS xdx=—J.sm 2xdx=—J(1—cos4x)dx=—(x——sm4x)
0 40 80 8 4 0
2
Céu 32. Tinh tich phéan I :J-sinzxcos3 xdx .
0
A.I:E. B.I:i. C.Izi. D.I:—i.
15 15 13 15

Loi giai tham khao

sin’ x cos? x cos xdx

o'—,m\a

z
2

I= I sin® x cos® xdx =
0
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Dat t = sinx = dt = cosxdx; Doi can x:0:>t=0;x:%:>t:1

1 3 51\]|1
(1| E_E 2
DodoI—!t(l t) dt (3 SJO =

= BAITAP TU LUYEN v

Céu 33. Tinh tich phan I = jo” (x +sin x)*dx.

A [=—+— B./=2+Z
3 2

Sll’l X

Cau 35.bétinh [ =

N |y

Budc1l: I = \/(tanx—cotx)zdx

Budc 3: 1 (tanx—cotx)dx

AIN = [N [N =—w]N

Budc 5: I = In‘sin Zx‘

NN W[y

A.2. B. 3.

File word lién hé qua

Facebook: www.facebook.com/VanLuc168

2
c.1=%4% p. =% %
3 2 32

Jtan? x + cot? x — 2dx . Mot ban giai nhu sau:

3
Budc?2: I = Htanx cot x|dx
o
3 cost
Budc 4: I = j
s1n2x

6

=-2 In73 . Ban nay lam sai ttt budc nao?

C. 4. D.5.
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T 2 K4 2
Céu 36. Biét [ ——_dx=m.Tinhgié tri cia I = [ "~ dx.
7 1+37" 7 1+3"
Al=r-m. B.I=%+m. C.l=rx+m. D 1:%—m
Céu 37. Tinh tich phan / = | 2 _2008x
0 3+2sinx
5 3
A.I=In>. B./=In>. C.I=5In3 D.I=3In5
T4 i3
Céu 38. Tinh tich phan / = | ! S Y
> sin” x
6
A,,:%, B,,:%_ C_[:@, D 1%
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¢ sinx
Cau 39. Tinh tich phan I = [=——dx.
) COs X
AT=2 B.I=—> c.1=-> D.I=->

Zsin[x—j
Céu 40. Cho j—34dx=m.i . Tinh P:m+%.

y Cos’x 2
APz—l. BP:l. C.P=0. D. P=
4 4

A. I=1. B. I =+2. Cl=rx. D.1=2.
3
Céu 42. Tinh tich phan .[ cos” xdx.
0
2
AZ B. Z. c. D.Z
2 4 3 3
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2
Cau 43. Tinh tich phan [2¢*dx.
0

A. e B.e' 1. C. 4¢'. D. 3¢".
Loi giai tham khao
2
jZe“dx =e'—1.
0
1 2
Cau 44.Cho I = j e ™ xdx . Ménh dé nao sau day la diing?
0
A 1="1 B.1=2¢*1 cr=-1 p.1=21
2 2e 2 2e
Loi giai tham khao
1 P 17 1(, 1) e-
Pt t =2 :>——dt=xdx:>.|.e"“ xdx:—J.etdt:— 1-=|=——.
2 0 27 2 e 2e
Cau 45. Tinh tich phan [ = J._OZ (x - 2) e'dx.
A. 1=3¢7-1. B.I1=-2(1-¢7). C.I:%—?). D.I:%-i-l
e e
Loi giai tham khao
L |lu=x-2=du=dx
bat
dv=e'dx=>v=e¢"
0 0
I=J:2(x—2)e dx =(x-2)e ?2—_':26 dx
x x 5_5
=(x-2)e*|%,—e ?2:—3+e—2:e—2—3.
Cau 46. Tinh tich phan [ = I In xdx .
1
A.1=4. B./=3. C.l1=2. D./=1.
Loi giai tham khao
e 1
. |u=Inx ldu=—dx |
1= _[ In xdx ; Dat ta co x , khido
1 dv =dx
v=x
I=x.1nx|f—J.dx=x.lnx|f—x|f=e—(e—l)=1.
1
Cau 47. Tinh tich phan [ = I x.Inx.dx.
1
2 2 2 2
A= B. 7= "1 cr=4*  p=2"°
4 4 4

Loi giai tham khao
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du=—dx e
=1 [ _ 52
Ta co w=ma Y S I==2Inx ——jxdx=3 ¢
dv = xdx 1., L 29

Cau 48. Tinh tich phan 7 = I Jx Inxdsx.
1

A.]z%(e e+2). B.]:%(e e+2). C.Izg(e e+2).D.I=%(e\/;—2).

Loi giai tham khao

u=Inx d”:%dx
Tich phan ting phan : T e
dv =x%dx v:gxi
3
Cau 49. Tinh tich phan I = [ x* Inxdx.
1
3 3 3 3
A =211 B.1=2¢ "1 ci1="2 D.1=4"2
9 9 5 9
Loi giai tham khao
e 3 ¢ e 3
Tinh I:szlnxdx: X Inx —lszdxzze g
1 3 34 9
Cau 50. Tinh tich phan I = j(x —1DInxdx.
1
2 2 2 2
AT=%"2 B =93 cr=4=3  p=973
2 3 4 6

Loi giai tham khao
Str dung cdng thirc tinh tich phan ting phan ta co:

e 2 ¢ e 2 2 2 ‘ 2 _
I:j(x—l)lnxdx: X _x|nx —j X x .ldx:e——e— x| =€ 3
) 2 S a2 x 2 4 ) 4
Cau 51. Cho I = [x*.In(x + 1)dx. Ménh dé ndo sau déy la diing?
1
A. I=—£+zln2. B. I=—£+gln2. C. I:£+Eln2. D. I:—E—EIHZ.
18 3 18 2 18 3 18 3
Loi giai tham khao
1
du = dx
u=In (x+1
Dit ( ):> 3x+1
dv = x"dx X
V=—
3
e 3 1 3 1 1
1=jx2.1n(x+1)dx=x—1n(x+1)—lj Y ge=Ltmo| c1[ X
] 3 3y x+1 3 o 37 x+1
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, 3 1-1 b 5
Tmh! xJ: d =£%dx =£((x2—x+1)—x+1jdx:——ln2

I :sz.ln(x+1)dx “Lo —l(g—lrﬂJ 2240,
1 3" 736 18

Céu 52. Tinh tich phan I = [ 2x.In(3x - 6) dx.

A.I:121n6+51n3—1—21. B.I:121n6—5ln3+1—21.
C.I:121n6+5ln3+1?1. D.I:121n6—51n3—%.
Loi giai tham khao
_ B 1
I:I:Zx.ln(3x—6).dx. Ddt:{u_ln(3x 6) ta co: du = x—Z'dx
dv = 2x.dx o= _4
4
C:((x2—4).1n(3x—6)):—J.:(x+2)dx:((x2—4).1n(3x—6)—§—2x]
3
:121n6—51n3—1—21.

w BAITAP TU LUYEN v

Cau 53. Cho m la mot sd duong va I = I(4x Inx—2"In2)dx. Tim m khi I =12.
0

A.m=4. B. m=3. C.m=1. D.m=2.

2 2
A =1 B -t *! c.i=1t D.I=_1
2 2 2
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t1+Inx

Cau 55. Tinh tich phan I = [ dx .
X
1
A 1=2. B.1=1.
e
Cau 56. Tinh tich phan I = [ nx .
X
1
A T=1+2. B.1=1-2.
e e
tInx
Cau 57. Tinh tich phan I = [—=dx.
1
A [=1274In2 g, 14-3In2
256 256
ret(1+
Céu 58. Tinh tich phan 7 = | Lff)dx.
y l+xe

A.]zln(1+e2).

B.1=1n(e2—1).

C.l=e D.I:E
2
C.I:2+1 D.I:Z—1
e e
C.I:13_31n2. D.I:15+4ln2.
256 256

C. I=In(1+e). D. /=In(e-1).
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1 2 1 2
Cau 59. Biét [———dv=a. Tinh gi tri ctia tich phan /= [—— dx.
o 1+e y L +e
A. I:l—a B./=1-a C.I:l—a D.I=1+a
2 3
Cau 60. Tinh tich phan I = [ Inx+l
L xInx+1

A. I=In(e+1). B.I=In(e-1).

Cau 61. Tinh tich phan 7 =

A.l

2 2
A 1=% )
4 4

Facebook: www.facebook.com/VanLuc168

c3B3-22
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3
Cau 63. Tinh tich phan I = [

2dx.
1 (x+1)
3 3
A. I=Z(1—1n3)—1n2. B. I=Z(1—1n3)+1n2.
3 3
C. I=Z(1+ln3)+ln2. D.I:Z(1+In3)—ln2.

AT=e+Z-2.  B.Il=e+Z+2. Cl=e-Z42. D.I=e-Z_2.
2 2 2 2

In5 2x
Céu 65. Tinh tich phan I = | ———dx.

In2 \/ex -1

A= B.7=2 =2 p.71=2
3 3 3

2
A I=¢"+3. B. I=
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w Dang 48. Bat dang thirc tich phan

a

CAu 67. Tim gia tri a duwong dé J‘(x -x° ) dx dat gia tri I6n nhat.

0
A .a=1. B.a:l. C.a=2. D.azi.
2 2
Loi giai tham khao
Tim gia tri 16n nhat ctia ham s6 f(a),cc’) f’(a):a—az (a>0).
Cau 68. Tim cac gid tri thiee m > 1 sao cho j(lnx+1)dx =m.
1
A.m=e+1. B. m=¢’. C. m=2e. D. m=e.

Loi giai tham khao

Tinh tich phan I 1m (ln X+ 1)dx theo tham s6 m, sau d6 tim m tir phuwong trinh I =m.

1
Cau 69. Tim s3 duong k nhé nhat thoa man | x5 0.

0 2x+k

A. k=3. B. k=4. C. k=1. D. k=2.
Loi giai tham khao
0
Vke N ,Vxe[O;l], 2x+k>0,do do J-de >0,Vk e N, Suy ra s6 nguyén duong k
X+

0
nho nhat thdbamanbairala k=1.

Cau 70. Goi S la tap hop cac s6 nguyén duong k thoa man diéu kién jln de <e—-2.Tim
x
1
S.
A. §={1;2;3}. B. S={1;2}. C. S={23}. D.S=0.
Loi giai tham khao
Tinh tich phan theo hing s& k, roi tim k nguyén dwong tir diéu kién.

1
Cau 71. Cho [ = I , voi m>0. Tim cac gia tri cia tham s6 m dé€ 7 >1.
0

dx
N2x+m
1 1 1

A 0<m<t. B.m>L. c.lem<d, D.m>0.
4 4 8 4
Loi giai tham khao
Tinh tich phan theo tham s& m, sau d6 tim m t& bat phwong trinh 1 > 1.
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4
Céu 72. Tinh tich phan [ = [ [x* =3x+2]dx.
-1

A. —Q. B. Q C. § D. 19.
2 2 6

Loi giai tham khao

1 2 4
I = I (x> =3x + 2)dx —I (x> =3x+2)dx +I (x> =3x+2)dx
-1 1 2

3 2 1 3 2 2 3 2 4
(X3 o 3 o) [ o) 2B
32 302 32
-1 1 2
1
Cau 73. Tinh tich phan I = [ [2* —27"|dx.
-1
2 1
A.I=2In2. B.I=——. C.I=In2. D.]=—.
In2 In2

Loi giai tham khao
Dat t =2 hodc c6 thé sit dung mdy tinh cam tay dé€ tim két qua.
2

Cau 74. Tinh tich phan J = j x> ~1]dx.

—2

A. 3. B. 4. C.o. D.

SN}

Loi giai tham khao
Xét ddu x* —1 trén doan [—2;2]

X -2 -1 1 2
x* -1 + 0o - 0 +
2 -1 L 2
I:J‘xz—l‘dxzj(xz—l)dx+ (l—xz)dx+j(x2—l)dx
) -2 -1 1
:(%—xj:;Jr[x—);—sj 2:4.

10 8 10
Cau 75. Cho [ f(z)dz=17, [ f(t)dt=12. Tinh [-3f(x)dx.
0 0 8

A.-15. B. 29. C. 15. D.5.
Loi giai tham khao

]gf(x)dx=5 nén T—Sf(x)dx=—15

8 8
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' 3B. Tich phan

10 6
Cau 76. Cho ham s§ f(x) lién tuc trén (0;10) théa man | f(x)dx =7; [ f(x)dx =3. Tinh
0 2

P= j.f(x)dx+1jgf(x)dx.

A. P=3. B. P=2. C.P=4. D. P=1.
Loi giai tham khao

Ta cé: T F(x)dx = F(10) - F(0) = 7;} f(x)dx = F(6)-F(2) =3

P= f F(x)dx + ]O F(x)dx = F(2) - F(0)+ F(10)— F(6) =7 -3 = 4.

Cau 77. Cho I f(x)dx =0. Ménh dé nao dudi day la diing?

A. f(x)1a ham s8 chén. B. f(x) 1a ham sd 1é.
C. f(x) khong lién tuc trén doan [—a; a]. D. Cac dap an déu sai.

Loi giai tham khao
[ feodx = fx)ydx+ [ fx)dx =[[ f(x)+ f(=x)]dx =0 = f(x) =—f(-x) = f(x) I&.

w BAI TAP TU LUYEN v

Cau 78. Cho F(x) la mot nguyén ham ctia ham s& va do thi ham s6 y = F(x) di

sin” x
qua M (% ; o} . Ménh dé nao dudi day diing?

1

A.P(x)=ﬁ—cotx. B.F(x)zx/g—cotx.
C.F(x):73—cotx. D.F(x):—cotx+C.
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Cau 79. Cho J'ez" cos 3xdx = e* (a cos 3x + b sin 3x) +c, trong d6 a,b,c 1a cac hang sO. Tmh

tong a+b.

Cau 80. Trong Giai tich, v6i ham s6 y = f(x) lién tuc trén mién D =[a,b] c6 d6 thi 1a mot

duong cong C thi dd dai cia C duoc x4c dinh bang cdng thikc

L=["J1+(f(0) dx

2
Tinh d6 dai ctia dwong cong C cho béi y = % ~Inx trén [1,2].

A E—lr12 B ﬂ—lr14. C.§+ln2 D.ﬁ.
8 48
3+lnx

Cau 81.Cho I = I—)d a(In3+1)+1Inb véi a,b e R. Tinh gia tri biéu thiec T =4a+2b.

A. 4. B.7. C.5. D. 6.
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Caul.Chohamsé y = f (x) lién tuc trén doan [u;b]. Goi S la dién tich hinh phéng gidi
han boi ham s6 y = f (x) truc hoanh va hai duong thang x =a, x =b. Ménh dé nao sau
day la ding?
b b b
A.S=[f(x)dx.  B.S=[(f(®)dx. C.S=[|f(x)dr. D.S=[f(x)dx.

Cau 2. Goi S la dién tich cua hinh phang gioi han boi do6 thi cua hai ham s6 y = f (x) ,
Y= g( ) va cac duong thang x =4, x =b. Ménh dé nao sau day la diing?

A.S= j[ g( )}dx. B.S:j:‘f(x)—g(x)‘dx.
C. S:!.‘f(x)+g(x)‘dx. D. S:j.[f(x)—g(x)}zdx.

.....

S zﬂf(x)—g(x)‘dx.

a

Cau 3. Choham s6 f (x) xac dinh va dong bién trén [O; 1] vaco f (%j =1. Cong thttc tinh

dién tich hinh phang duoc gidi han boi cdc d6 thi ham s8 y, = f (x) ; Y, = ( f (x))2 ;X =

xzzl?

>
O e N | =

()= f(x))dx+jf )(f(x)-1)dx.

2

()= (f0)’ |
J{(F@) = £ (x)} .

o =
St O, O,

@,

@)1= £ dx+jf )(Fx)—1)dx

2

.....

Cong thitc tong quat tng dung v, = f(x);y, = g(x);x, =a;x, =b(a <b) la:

S = [|£(x) - g(x)|dx
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Do f(x) dong bién nén ta co:

f(x)<1:>x<%;f(x)21:x21:>5:Hf(x)—(f(x))z‘dx:Hf(x)(f(x)—l)‘dx

|F@)] (1= fla)dx+ [ F)(f(x) - D

2

O O |

Cau 4. Tinh dién tich S cta hinh phang giéi han boi cic duong y = x> va y=x +2.
A.S:E. B.Szg. C.S:Z. D.S:1—5.
2 2 2 2
Loi giai tham khao
2
S = ”x2 —x—Z‘dng.
5 2

Cau 5. Tinh dién tich S ctia hinh phang gidi han boi cdc duong y =x> va duong thang
y=2x.

A.Szé. B,SZE_ C.S=§. D.S—é
3 2 3

15

Loi giai tham khao

: 4
o X' =2x & :>S='”x2—2x‘dx=—.
0 3

Cau 6. Tinh dién tich S ctia hinh phang gi6i han boi cic duong y =2 —x* va y = x.

A.5=5. B.5=7. C.Szg. D.S:E.
2 2

Loi giai tham khao
Gidi phuong trinh hoanh d¢ 2-x*=x < x=1vx=-2
Ap dung cong thirc dién tich (B&m may ).

Cau 7. Tinh dién tich S cta hinh phang gi6i han boi cac duong y = —2x* va y = 2x —4.

A.Szi. B.5=9. C,SZE_ D.Szl.
13 3 9

Loi giai tham khao
Phuong trinh hoanh do giao diém cta y = -2x* va y=-2x—4 la
2 2 x=-1
2x"=-2x-4 & 2x" +2x+4=0&
x=2
2
.[ (—2x2 +2x + 4)dx

-1

S= .2”—2x2 +2x+4)dx=
a

:(_—Zx3 +x° +4xjtl =9,
3

Cau 8. Tinh dién tich S cta hinh phang gii han boi Parabol (P):y =3 - x?, duong thang

y=-2x+3, tructung va x =1.

A.S :% (dvdt).  B.S :% (dvdt).  C.S= —% (dvdt). D.S= —% (dvd).

Loi giai tham khao
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Phuong trinh hoanh d6 giao diém: 3-x* =-2x+3 < x* -2x=0< [x

Dién tich can tim dugc tinh bang cong thitc sau day:

S= I:‘xz —2x>dx+J'12‘x2 —2x>dx

1 2 4

x° x?

-+ 2
3 2

3 2
L,
3

+

0 1

Cau 9. Tinh dién tich S ctia hinh phang gi6i han boi cic duong y=x°> —3x va y=x.

A.S5=12. B.5=4. C.5=6. D. §=8.
Loi giai tham khao
x=0
Ta co PT hoanh d0 giao diém x° —4x=0< | x=2
x=-2

j-(xS —~ 4x) dx

0

}(f’ —4x)dx

-2

Dién tich S = + =4+4=8.

Cau 10. Tinh dién tich S ctia hinh phang giéi han béi cac duwong x° —x va y=x — 7.

A.5=12. B. 5=37. C,5:£ D. S=11.

12°

Loi giai tham khao
¥-x=-x"+xox=0x=-2x=1

[ 3 2 h 3 2 37
S:Ux +x —2x‘dx+£‘x + X —2xdx:E.
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Cau 11. Tinh dién tich S ctia hinh phang giéi han boi cac duong y=-x’ +3x+3 va

duong thang y =5.

A 5=> B.s- X cs=2. D.s=2
4 4 4

Cau 12. Tinh dién tich S ctia hinh phang giéi han béi cac duwong y = x* —2x* +1 va truc
hoanh.

A.S:E. B.Szﬁ. C.S:i. D.S:1—5.
15 15 15 8

Cau 13. Tinh dién tich S ctia hinh phang gidi han boi cac duong y = 5x* +3x* -8, truc
Ox trén doan [1; 3].
A. 5§=100. B. 5§=150. C. 5=180. D. §=200.

Cau 14. Tinh dién tich S ctia hinh phang gi¢i han béi cac duong y :‘xz —4x+3|, y=x+3.
As-22 B.S-122. c.s=2. D.s-%.
6 6 3 3
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Cau 15. Tinh dién tich S ctaa hinh phéng gidi han boi cac duong y =e*;y =2 va duong
thang x =1 bang
A.S=e+In2-4. B.S=e+2In2-4.
C.S=e+2In2+4. D.S=e+2In2-4.

CAu 16. Tinh dién tich S ctia hinh phang gi6i han bdi cdc duong y =Inx, x = 1, Xx=e va
e

truc hoanh.

A.Szl—l. B.S:2(1+1j. C.S:Z(l—lj. D.S:1+1.
e e e e

Cau 17. Tinh dién tich S ctia hinh phang giéi han boi cac duong vy = 2% va hai truc

—x+1

toa do.
A.S=In2-1. B. S=1In2. C.5=In2+1. D. S=2In2-1.

A.S=-In3. B. S=1In3. C.S5=2In3. D. S=-2In3.
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Cau 19. Tinh dién tich S cta hinh phéng gi6i han béi cac duong y = %, y=0,
X+
x=-2,x=2.
A. 5:7—41ni. B. S:7+4lni. C. S:7+4lni. D. 5:7—41ni.
16 14 16 14
Cau 20. Tinh dién tich S ctia hinh phéng gi6i han bdi cac duong y = T e Y :%.
+
AS="-1 B.S=2+1 C.5=21 D.5=%_1
2 6 6

Cau 21. Tinh dién tich S cta hinh phang giéi han boi cac duong y = xv/1+x*, truc Ox va
duong thang x =1.

22 -1

A. S= . B.S:% C.5=2J2-1. D.S= .

Cau 22. Goi (H ) la hinh phang giéi han boi cac duong (P) cy=-x"+2,y=0,
x=0, x=1. Tinh toa d0 difm M nao trén (P ) ma tiép tuyén tai d6 tao voi (H ) mot hinh
thang c6 dién tich nho nhat.

A. M (%,EJ B. M (%,ZJ M (%, —ZJ . D.Khong ton tai diém M.
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x=0.

A.S:Z. B.Szg. C.S:B. D.S:E.
2 2 2 2
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Cau 1. Goi V la thé€'tich caa khoi tron xoay duoc tao khi quay hinh cong, gidi han béi do
thi ham sdy = f (x), truc Ox va hai duong thang x=a,x=b (a < b) quay xung quanh

truc Ox . Ménh dé nao dwdi day la diing?

A.V:ﬂj.f(x)dx. B.V:Ifz(x)dx. C.V:ﬂj.fz(x)dx. D.V:If(x)dx.

Cau 2. Cho hinh phang (H) gi6i han boi cac duong y=3x; y=x; x=0; x=1. Tinh thé
tich V cua vat thé tron xoay khi (H ) quay quanh Ox.

2
A.V:%”. B.V=2 C.V =82, D.V=8r.

3

Loi giai tham khao
Xét hinh thang gioi han boi cac duong: y=3x; y=x; x=0; x=1
1

j(3x)2 dx —i(x)2 dx

0

8
=—7.

Tacd: V=nr
3

Cau 3. Cho tam giac gioi han boéi ba duong y = x,x =1, truc Ox. Tinh thé tich V' caa khoi
tron xoay dwoc tao boi phép quay quanh truc Oy cta tam giac do.

A.Vz%. B.sz?ﬂ. C.V=r. D.v=347

Loi giai tham khao
Thé tich hinh can tinh bang thé tich khdi tru trir di thé tich khdi nén.

Cau 4. Thé tich V cta vat thé tron xoay khi quay hinh phang giéi han boi cic duong
y=1-x*, y =0 quanh truc Ox c6 két qua dang %T. Tinh a+b.
A.a+b=11. B.a+b=17. C.a+b=3l. D.a+b=25.

Loi giai tham khao

1
nj(1—x2)2dx:116—5”.Nén a=16, b=15, a+b=3l.
-1

Cau 5. Viét cong thitc tinh thé tich V' cua khoi tron xoay dwoc tao thanh khi quay hinh
thang cong giéi han boi d6 thi ham s6 y=2-x?, truc Ox va hai duong thang

x =-1,x =0 xung quanh truc Ox .

A. V:ﬂT(Z—xzfdx. B. sz(Z—xz)zdx.
-1 =il

C.V:ﬂj(Z—xz)dx. D.V:ﬂz—x2\dx.
-1 -1
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Loi giai tham khao

0
1% =7Z'j(2—x2)2dx.
|

Cau 6. Tinh thé tich V ctia hinh kh&i do hinh phang giéi han boi cac duong
y=4-x*, y=x"+2 quay quanh truc Ox.
A V=14r. B. V =157x. C.V=16r. D.V=17r.

Loi giai tham khao
g 4 AV . \ A X = _1
Phuong trinh hoanh d6 giao diém ctia cac ¢ thi ham s6: 4 —x* =x* +2 < )
X =

Thé tich can tim: V = ;zj [(4 —x) (2 Z)Z}dx - 124 (1-2*) dx=167 (dott).
] -1

Cau 7. Tinh thé tich V ctia vat thé tron xoay sinh ra boi hinh phang gii han boi cac
duong y = —x* —3x; y = —x khi quay quanh truc Ox.
A v=2% B.V-2Z. cv--2Z  py22
15 15 15 5
Loi giai tham khao

Phuong trinh hoanh d¢ giao diém tim dwoc x =0; x = -2

Goi V,; V. .... Tinh duqcthé’ti’cthhéhla‘:ﬁ—”; 8—” =V :56—”.
v 5" 3 15

Cau 8. Ki hiéu (H) 1a hinh phéng gi6i han boi d6 thi ham s6 y = 2x - x*, truc hoanh. Tinh
thé tich V' ctia khéi tron xoay thu dugc khi quay hinh (H)xung quanh truc Ox.

A v-to B.v =27 cv=2 D. v =107
15 3 3 15
Loi giai tham khao
Phuong trinh HDGD ... = |
X =
2 2 2 420 =\ 16
:V:ﬂj(Zx—xz) dx:ﬂj(4x2—4x3+x4)dx:ﬂ = X+ ==nr.
J ) 3 5 ) 15

Ciu 9. Tinh thé tich V ctia khéi tron xoay do hinh phang giéi han béi cac duong
y=x"-4x+4,y=0,x=0,x =3 quay quanh truc Ox.

av=Er gyl oy ¥ gy B

Loi giai tham khao
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Cau 10. Goi (H ) la hinh phéang gidi han boi cac dwong y =x* +1 va y =4x—2. Tinh thé
tich V' ctia khéi tron xoay dugc sinh ra khi quay hinh phang (H ) quanh truc Ox.

A V=2 B v =247 © BT 5, 1 = e
3 3 15 15

Loi giai tham khao
x=1

x2+1:4x—2<:>x2—4x+3:0<:>[
x=3

V= ﬂj((‘lx—Z)z (¥ +1)2)dx :%ﬂ.

Cau 11. Tinh thé tich V caa khéi tron xoay duoc tao boi phép quay quanh truc Ox hinh
phang gidi han boi cac duwong y=x"+1, x=0 va cac tiép tuyén véi d6 thi ham sd

y=x"+1 tai diém (1;2).

A.V:1—5. B.V:ﬁﬂ. C.Vzﬁ. D.VZEﬂ'.
8 15 15 8

Loi giai tham khao
Viét phuwong trinh tiép tuyén, vé hinh va xac dinh mién can tinh dién tich, cé thé sit dung
may tinh cam tay dé€ tim két qua.

CAu 12. Tinh thé tich V cuaa khéi tron xoay do hinh phéng gi¢i han béi cdc duong thing

y=%,y=O,X=u (a>1) quay quanh truc Ox.

R R [ M |

Loi giai tham khao
¢ dx 1
V:ﬂjx—zz(l—;jﬂ' .
1

w BAI TAP TU LUYEN v

CAu 13. Tinh thé tich V ctia vat thé nam gitta hai mat phang x =0;x = 7 biét rang thiét
dién cta vat thé véi mat ph:fmg vuong goéc véi truc Ox tai diém co6 hoanh do x

(0 <x < 7) la mot tam giac déu cd canh la 2+/sinx .
A. V=43, B. V=", C.V=23. D.V=2r.

NG
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CAu 14. Tinh thé tich V ctia vat thé nam giita hai mat phang x =0,x =2, biét rang thiét
dién cua vat thé bi cit boi mit phéng vudng goc vai truc Ox tai di€ém cé hoanh do x
(0 <x <2) 1a mot ntra hinh tron duong kinh V522,

A.V=4r. B.V=r. C.V=3r. D.V =2r.

Cau 15. Tinh thé tich V' ctia mot vat thé gidi han boi hai mat phéng x=0 va x =3, biét
rémg thiét dién ctia vat thé bi cit boi mit phéng vuong goc voi truc Ox tai diém c6 hoanh
do x (0 <x< 3) 1a mot hinh ch nhat ¢é kich thudc 1a x va 2v9—x* .

A.V=16. B.V =17. C.V=19. D. V =18.

Cau 16. Cho hinh phing (H) gi6i han boi cac dudngy = Jx =1, truc hoanh va x=4.
Tinh thé tich V cta khdi tron xoay tao thanh khi quay hinh phang H quanh truc Ox .

2
AV="E B.v=""_ cv=_. D.v=""
6 6 3

Cau 17. Tinh thé tich V ctia khdéi tron xoay sinh ra khi quay hinh phéng gidi han bodi cac
duwong sau quanh truc hoanh y=+1-x*, y=0.

_ 31416 _iz cv==2 D.v=2
20001 3 2 2
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Cau 18. Tinh thé tich V ctia khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang
gidi han boi cac dwong y = x4/In(1+x?) , truc Ox va dudng thang x =1.
4 72')

A V=r lln2+é—£ . B.V=r lln2+_+_
3 9 6 3 9 6

C.Ver|-tmas2_7| D.Ver|im2_2.7]
3 9 6 3 9 6

Cau 19. Tinh thé tich V' cta khdéi tron xoay dwoc tao boi phép quay quanh truc Oy hinh

@ y=0,y=1

phang gidi han béi cac duong x = ——
y +1

A v==_ B. V=2 cv==2 D. V=%

3 2 4 2

Cau 20. Tinh thé tich V ctia vt thé tron xoay sinh ra béi hinh phang gidi han béi cac

duong y=sinx+cosx,y=0,x=0,x= % khi quay quanh truc Ox.

AV=rnlZs3 B.V=rnlZ_3|
2 2 2 2
C V:ﬂ(£+lj D V:ﬁ(—£+gj

[ Nguyén Viin Luc |lIRY
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Cau 21. Cho hinh phéng (H ) gidi han boi cac dwong y =sinx,x =0,y =0,x = 7. Tinh thé
tich V ctia vat thé tron xoay sinh boi hinh (H) quay quanh Ox.

2 2
AV =2r. B.v=" cv=" D.v==.
2 4 2

Cau 22. Tinh thé tich V cta vat thé tron xoay sinh boi hinh phang giéi han boi cac duwong
y=Inx, x=1, x =2, y =0 khi n6 quay xung quanh truc Ox.
A.V=2(In*2-2In2+1). B. V=7(In*2-2In2+1).

C.V:27r(ln22—21n2+1). D.V=In?2-2In2+1.

Cau 23. Cho hinh phang (H ) gioi han béi cac duwong: y = xInx,y =0,x = e. Tinh thé tich
V' ctia khoi tron xoay tao thanh khi quay hinh (H ) quanh truc Ox .

3 3 3 3
A. V= (5e’-2) B. V= n(5e’-2) . C. V= m(5e”+2) . D.v= m(5e’-2) .
28 25 27 27

Ciu 24. Tinh thé tich V' cta khdi tron xoay sinh boi hinh phang gioi han boi cac duong
y=e¢", truc tung va y = e quay quanh truc Ox.

m(e* +1) _a(e’-1)

A.V=r(+1). B.V= C.V=rn+2). D.V
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Cau 25. Tinh thé tich V ctia khdi tron xoay do hinh phéng gi6i han boi d6 thi ham s6
y =e*, truc hoanh va hai duong thang x =0, x =3 quay quanh truc Ox .

vt )

Cau 26. Cho hinh phang A giéi han boi cac duong y=e*,y=e™ va x=1. Tinh thé tich
V' ctia khdi tron xoay tao thanh khi quay hinh A quanh truc hoanh.

2 -2 2 -2
A V=rlE_L 1] B.V=r|lSZ+8 41|
2 2 2 2
2 -2 2 -2
C.v=rlSt_-% 11| D.V=r|lSf+8 _1]|.
2 2 2 2

Cau 27. Cho hinh phang A gi6i han boi duwong cong cé phuong trinh y = x2.e* va cac
duong thang x =1,x =2 va truc hoanh . Tinh thé tich V' ctia khdi tron xoay tao thanh khi
quay A quanh truc hoanh.

A. Vzée“—lez. B.V=nr 264—162 )
4 2 4 2
C. V:—§e4+lez. D.V=r —Ee“+le2 )
4 2 4 2
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Cau 28. Ki hiéu (H ) la hinh phang giéi han béi d6 thi ham s8 y = Jx.e*, truc hoanh va
duong thang x =1. Tinh thé tich V ctia khdi tron xoay thu dugc khi quay hinh (H ) xung

quanh truc Ox.

A._V:%(ezu). B.V:%(ez—l). C.V:%(ez—l). D.V=§(e2+1).

Cé4u 29. Tinh thé tich V cua hinh khoi do hinh phéng gioi han boi d6 thi ham s y = xe”,

truc tung, truc hoanh, x =2 khi quay quanh truc Ox .

A.Vzi(Se“—l). B. V=7 (5¢" -1). C.V=%(5e4—l). D.V =5¢* —1.

Cau 30. Ki hiéu (H ) 1a hinh phéng giéi han béi y =xe?, x=0 va x=1. Tinh thé tich V
ctia vat thé tron xoay thu duoc khi quay hinh (H ) quanh truc Ox.
A.V=r(e+2). B.V=r(e-1). C.V=z(e-2). D.V=rx(e+1).
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Cau 1. Cho s0 phtrc z =2i —1. Tim phan thye a va phan ao b cta z.
A.a=2,b=-1. B.a=2,b=1. C.a=-1b=2. D.a=-1,b=-2.

Cau 2. Cho s0 phttc z =2 -3i. Tim phan thyc a va phan ao b cua z.
A.a=2,b=-3. B.a=2,b=3. C.a=-3,b=2. D.a=-3,b=-2.

Cau 3. Cho s0 phttc z =-11+7i. Tim phan thyc a va phan ao b cta z.
A.a=-11;, b=7. B.a=-11, b=-7. C.a=7; b=11. D.a=7, b=-11.

Cau 4. Cho s0 phtrc z =4i. Tim phan thic a va phan do b cta z.
A.a=0; b=4 B.a=0; b=-4. C.a=4, b=0. D.a=-4; b=0.

Cau 5. SO phtc nao dwéi day la so thuc?

A z=(V3+2i)-(V3-2i). B. z = (3+2i)+(3-2i).

C.z=(1+2i)+(-1+2i). D. z=(5+2i)- (V5 -2i).

». Dang 53. Tim so phirc lién hgp

Cau 6. Cho s6 phitc z =1+i+/3. Tim s6 phttc z.
A.z=1-i3. B.z=—/3-i. C.z=-1+i\3. D.z=+3+i.
Loi giai tham khao

. z:a+bi:;:a—bivéy£:1—ix/§.

Cau 7. Cho s6 phtic z =1+ 2i . Tim s6 phtic z.
A . z=-1+2i B. z=-1-2i. C m=2ari D. z=1-2i.
Loi giai tham khao

J z:a+bi:;:a—bivéy£:1—2i.

Cau 8. Cho s6 phitc z = -2 — 5i. Tim phan thuc a va phan 40 b cta s6 phiic z.
A.a=-2,b=5. B.a=-2,b=-5. C.a=-5b=2. D.a=-5b=-2.

Loi giai tham khao

e z=a+bi=z=a—bivAy z=-2+5i. = Phan thuc bing a =2 va ph4n a0 bing b = 5.
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Cau 9. Cho s6 phtic z =3 + 4i. Tim phan thuc a va phan o b cua s phitc z .
A.a=3,b=4. B.a=3,b=-4. C.a=4,b=3. D.a=4,b=-3.

Loi giai tham khao
o z=a+bi=z=a-bivay z=3-4i. = Phan thucbang a =3 va phan ao bang b = —4.

Cau 10. Cho s8 phitc z = 4 —3i. Tim phan thyc va phan 4o cta s8 phtic z.
A.a=3b=4. B.a=3,b=-4. €, g=4 =8 D.a=4,b=-3.

Loi giai tham khao
o z=a+bi < z=a-bivay z=4+3i. = Phan thuc bang a =4 va phan dobang b=3.

w BAI TAP TU LUYEN v

Cau 11. Cho s6 phitc z = —4 +5i. Tim phan thye, phan 4o ctia s8 phtic z.
A. Phan thye bang 4 va phan ao bang 5i.
B. Phan thyc bang 4 va phan ao bang 5.
C. Phan thiee bang —4 va phan ao bang —5.
D. Phan thuc bang —4 va phan 4o bang —5i.

Céu 12. Cho s6 phtic z =6 +7i. Tim s6 phtic z.
A z=6+7i B.z=6-7i C.z=—6+7i.  D.z=-6-7i.
Cau 13. Cho s6 phitc z thoa (1+i )Z =4-2i. Tim phan thuc, phan do cua s6 phtc z.
A. Phan thye bang 1 va phan ao bang 3i.
B. Phan thuc bang 1 va phan ao bang 3.
C. Phan thuc bang —1 va phan o bang -3i.
D. Phan thiee bang —1 va phan ao bang 3.

Cau 14. Cho s6 phiic z = i. Tim s8 phtic z.
A z=-i B.z=-1. C.z=1-i D.z=1.

Cau 15. Cho s6 phitc z =2 —3i. Tim phan thuc va phn 40 cta s6 phic z.
A. Phan thyee bang 2 va phan o bang 3.
B. Phan thyc bang 2 va phan ao bang 3.
C. Phan thiee bang 2 va phan ao bang 3i.
D. Phan thuc bang 2 va phan ao bang -3i.

Cau 16. Cho s6 phtic z =1-3i. Tim s8 phtic z.
A.z=1+3i. B. z=-1-3i. C.z=-1+3i. D. z=1-3i.

Cau 17. Cho s6 phttc z =1-5i. Tim phan thyc, phan a0 ctia s8 phtc z.
A. Phan thuc bang —1 va phan ao bang -5i.
B. Phan thyc bang ~1 va phan ao bang 5.
C. Phan thiee bang 1 va phan ao bang 5.
D. Phan thuc bang 1 va phan do bang —5i.
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». Dang 54. Phép cong so phirc

Cau 18. Cho hai s6 phttc z, =3 -2i; z, =1+3i. Tim s6 phtic z=2z, +z, .
A 4+i B. 9-i. C. -1-9i. D. 4-5i.
Loi giai tham khao
(3-2i)+(1+3i)=(3+1)+(-2+3)i=4+i.

Cau 19. Cho s6 phitc z=a+bi va w = %(z +2). Ménh dé sau day 1a diing?

A. w la mét s6 thuc B. w=2.
C. w la mot so thuan ao. D. w=i.

Loi giai tham khao

z:a+bi:>%(z+;):a.

Cau 20. Cho s6 phitc z=1-2i . Tim phan 4o b ctia s8 phttc w =2z +z.
A.b=-2. B. b=2. C.b=4. D. b=-4.
Loi giai tham khao

w=3-2i=>b=-2.

Cau 21. Cho hai s6 phttc z, =2-3i, z, =1+i. Tim s6 phtic z=2z, +z, .
A.z=3+3i. B.z=3+2i. C.z=2-2i. D.z=3-2i.
Loi giai tham khao
Tacd z=z +2,=(2-3i)+(1+i)=(2+1)+(-3+1)i=3-2i.

Céu 22. Cho hai s6 phttc z=a+bi va z'=a'+b'i. Tim diéu kién gitta a,b,a',b' d€ z+z'
1a mot sO thuan ao.

a+a'=0 a+a'=0 a+a'=0 a+a'=0
A. . B. - C. : D. :
b+b'=0 b, b' bat ki b="b' b+b'#0
Loi giai tham khao
+a'=0
z+z’:(a+a')+(b+b')i l1a s6 thuan do < A .
b+b'#0

Cau 23. Tim s6 phttc z théa man 3z +2+3i =5+ 4i.

A. z=-1+3i. B. z=-3+2i. C.z:Z—%i. D.z:1+%i.

Loi giai tham khao

Ta c6 3z+2+3i=5+4i@3z=(5—2)+(4—3)i@z=1+1i.
3

Cau 24. Cho s0 phttc z =2 + 4i. Tim phan thuic, phan 4o ctia sO phitc w =z —1i.
A. Phan thuc bang —2 va phan ao bang -3i.  B. Phan thuc bang —2 va phan ao bang -3.
C. Phan thuc bang 2 va phan ao bang 3i. D. Phan thuc bang 2 va phan ao bang 3.

Loi giai tham khao
w =2z —i=2+3i ¢ phan thuc bang 2 va phan ao bang 3.
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Cau 25. Cho hai s6 phtc z, =7 +5i; z, =3 —i. Tim s0 phttc z=2z, - z,.
A. 4+4 B. 10 +4i. C. 4-4. D. 4 +6:.
Loi giai tham khao

(7+5i)—(3-i)=4+6i.

w BAITAP TU LUYEN v

Cau 26. Cho hai s6 phtic z, =2 -1, z, =5+7i. Tim s0 phttc z=2z, - z,.

A.z=-3+71 B. z=-3-8i. C.z=7+6i D.z=-3+1.

Cau 27. Cho s0 phtic z :3(3—41')—4(31'—1). Tim s6 phtc z.
A. z=24-13i. B. z=3(3-4i)+4(3i-1).
C. z=5-24i. D. z =13 - 24i.

Cau 28. Cho hai s6 phtrc z, =1-2i; z, =2+ 3i. Tim sd phttc w =z, —2z,.
A. w=-3+1. B. w=-3-8i. C. w=-5+1. D. w=-3+8i.

Cau 29. Cho hai s6 phtc z, =2 -3i; z, =—-1+1i. Tim phan 4o cta s6 phtic w =2z, —z,.

Cau 30. Cho hai s6 phttc z, =2 -1, z, =5+7i. Tim s6 phttc z =2z, —z,.
A.z=9+7i. B. z=-3-3. C.z=9+3u. D. z=7+6i.
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A.z=7i. B. z =5i1. C.z=-4-71. D.z=-71.

Cau 32. Cho z+(5-1)(2i —1)=4-3i. Tim s§ phitc z-2z.
A. 7 -14. B. -7 —42i. C. 7. D. -7 +14i.

Cau 33. Cho hai s6 phtc z, =2+ 3i, z, =3 +4i. Tim s6 phttc z =5z, —3z,.
A.z=1+1. B. z=3i. C.z=1+2i. D. z=1+3i.

Cau 34. Cho hai s6 phtrc z, =3+4i, z, =2-3i.Tim s6 phtic z =2z, —z,.
A.z=3+1. B.z=2-1i. C.z=1+7i. D. z=5+7i.

Cau 35. Cho s0 phtc z = -3 + 5i. Tim phan thuc va phan o cua s6 phic z -1 .
A. Phan thyc bang -3 va phan aobdng 5. B. Phan thuc bang -3 va phan 4o bang 4i.
C. Phan thuc bang 3 va phan ao bang 4. D. Phan thuc bang -3 va phan 4o bang 4.
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». Dang 55. Phép nhan so6 phirc

Cau 36. Cho hai s8 phttc z =i. Tim s6 phttc w =z°.
A w=1. B. w=-1. C.w=1. D. w=-i.

Loi giai tham khao
Taco w=2z" =i’ =iti=i

Cau 37. Cho hai s6 phtic z, =i; z, =1+2i. Tim s6 phttc z=z,.z,.
A.z=1. B.z=2. C.z=-1. D.z=-2.

Loi giai tham khao
Tacd z=z,z, =i(1+2i)=—2+i.

Cau 38. Cho hai s6 phttc z, =1-1i; z, =1+i. Tim phan ao b cua s6 phtic z=z,.z,.
A b=-2. B.b=2. C.b=0. D.b=1.

Loi giai tham khao
Ta 6 z=(1-i)(1+i)=1%—i* =2. VAy phén a0 cua s6 phirc z 1a 0.

Cau 39. Cho hai s8 phttc z, =1+1; z, =1—i. Tim phan 4o b cua s6 phtic z =z, —z,%.

A.b=-+4. B.b=4. C.b=0. D.b=1.

Loi giai tham khao
Tacd z=(1+i)2 —(1—-i =(1+i+1—i)(1+i—1+i)=4i.

Cau 40. Cho hai s8 phutc z, =1+1; z, =4 —i. Tim s8 phttc z=z".z,.
A.z=2+8i. B. z=2-8i. C.z=5+3u. D. z=3+3i.

Loi giai tham khao
Tacod z=(1+i)*(4—i)=2i(4d—i)=2+8i.

w BAI TAP TU LUYEN v

Cau 41. Cho hai s6 phtrc z, =2 -3i; z, =3 +i. Tim s phttc z = z, .z, .
A.z=9-71. B.z=9+7i. C.z=-9+7i. D.z=-9-7i.

Cau 42. Cho hai s6 phtic z, =2 —1i; z, =1+2i. Tim s0 phtic z = z, .z, .
A . z=4+3i. B. z=5i. C.z=3+4i. D.z=2-2i.
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Cau 43. Cho hai s6 phttc z, =2i-5; z, =1-3i. Tim s6 phtic z = z,.z,.
A . z=-4-1. B.z=1+17i. C.z=-11+17i. D.z=1-13;.

Cau 44. Cho hai s6 phttc z, =2 +5i va z, =3 —4i. Tim s0 phtic z =z,.z,.

A.z=6+20i. B.z=26+7i. C.z=6-20i. D.z=26-7i.
Cau 45. Cho ba s6 phttc z, =1-3i ;z, =2+1i ; z, = 3 —4i. Tim s0 phttc z:zlz+zzz.
A.z=1+4i. B.z=1-4i. C.z=-15-4i. D. z=15+4i.

Cau 46. Cho hai s6 phtic z, =1+\/§i;z2 =3 +i.Tim sO phtec z=z,.z,.
A z=1. B. z=4i.
C.z=2V3+4i. D.z=/3+1+i(\/3-1).

A b=—2. B.b=12. C.b=5. D.b=32.

Céu 48. Cho s6 phic z thoa man z =(«2 +i)(1-+2i). Tim phan thuc a ciia 2.

A a=+2. B.a=-1. C.a=22. D.a=1.
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Céu 49. Cho s8 phttc z = a +bi # 0. Tim phan thyc ctia s8 phtrc z'

a -b
A a+b. B.a-b. C. . D. .
a’+b’ a’+b’
Loi giai tham khao
4 1 1 a—bi a b . . " S N a
z7 === = = - i nén phan thuccaa z— la
2 atbi_ b b b P 7D
Cau 50. Tim phan thuc a cua sd phtec 1
i
A.a=1. B.a=-1. C.a=0. D.a=-i.
Loi giai tham khao
1
=1
i
A R 3
Cau 51. Tim s6 phttc z = —.
i
A. z=31. B.z=1. & m=-l, D. z=-3i.
Loi giai tham khao
3(—i
Tacoz—§= (,2)=—3z
i i
Cau 52. Tim s6 phtic z:3_4,l.
—1
B Bl 2o b2
17 17 15 15 5 5 25 25
Loi giai tham khao
. 3—4i (3-4i)(4+i) 12+3i-16i—4i" 16 13
Taco z= — = = ———
4—1 17 17 17 17
A UV SR AP S 1+1
Cau 53. Tim s6 phttc lién hgp cta s phtec B
—1i
A.H=1+§i. B.Hzl—gi. C.‘Z‘:—l—éi. D.H:—l+§i.
5 5 5 5 5 5 5 5
Loi giai tham khao
1+i (1+i)(2+i) 1+3i 1 3, H
0: . . = . :_ = ___Z
2-i (2-i)(2+i) 2°-i* 5
5 3
Cau 54. Tim s6 phttc z = —
2+1
A.z:é+§i. B.z:§+éi. C.z:é—gi. D.Z:E—éi.
5 5 5 5 5 5 5 5

Loi giai tham khao
3(2-i)  6-3i 6 3,

TaCézzz+i:(2+i)(2—i)_4—z "5 5"
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Cau 55. Cho hai s6 phttc z, =1-2i; z, =1+i. Tim s0 phtic z=21,
z

2
A.z:—l——z B.z:—i—ii. C.z=l+—z D.z:—g—li.
2 NI 2 2 2

A. z’1:£+£i. B. ’1:£—£i C. z’lzﬁi. D. z' =2 +4/3i.
5 5 5 5 5

Ciu 57 T‘lms@'phﬁcz:3_2,1 1+1,.
1+ 3-21

1 5. 15 55, 15 65. 15 55,

A z=—+—i =—+—1. =—-— =—-—

13 13 26 26 26 26 26 26
Cau 58. Tim s8 phtrc z:3+2,1+ 1_1.
1-1 3+2

21 61. 23 63 15 55 2 6.

A z=—+—1. =—+— =—+— czZ=—+—1

26 26 26 26 26 26 13 13

(2+i)(1.— 2i)

(2—i)(1‘+ 2i)

Cau 59. Cho s6 phtc z = + 5 . Ménh dé nao dwdi day la diing?
—1 +1
- 22 ot m -
A . zz=—. B. z lasdOthuando. C.zeR. D.z+z=22.
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Céu60.Chosc3’ph1icz=4—3i+§+46h,.T‘1m56ph1’cm.
+ 01
A.z=20-8i. B.z=20+8i. c.z=-2, YV, pz=-7817;
15 5 15 5

Cau 61. Tim phan thuc a cua s phtrc Z:L.
(1-2i)(1+1)

A a:é B a:—é. C.a:E D a:—é.

5 5 5 5

». Dang 57. Modun cua so phirc

Cau 62. Cho s0 phttc z =2-3i. Tinh ‘z‘
A.|z]=2. B. |z|=-3. C. [2|=+13. D. || =13.

e 2

Loi giai tham khao

2| =Va? + b7 =22 + (-3 =13
Cau 63. Cho s0 phttc z =5-3i. Tinh ‘z‘
A. |z|=34. B. |z =2. C. |o|=/34. D. |{=4.

|2 = /5% +(-3)* = /34

Loi giai tham khao
Cau 64. Cho s0 phttc z =1+2i. Tinh ‘z‘
A.|g|=1. B. |7 =+5. C. |7|=2. D. [{=3.

.....

Ta ¢ \1+2z‘\ =+/1+2?

Céu 65. Cho s6 phtic z=-3+2i. Tinh P =|z+1-il.
A.P=4. B.P=1. C.P=+5. D.P=22.

.....

z+1—i:—2—i:>‘z+1—i‘=\/g
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Cau 66. Cho hai s6 phtic z, =3-2i; z, =-2+i. Tinh P:‘z1 +z2‘.
A.P=+5. B.P=+2. C.P=+13. D.P=2.

Loi giai tham khao

‘Zl+22‘=|1—i|=\/§

Céu 67. Cho hai s6 phitc z, =1+3i va z, =2—i. Tinh P=|z, +z,|.
A.P=+5. B.P=5. C. P=410. D.P=+13.

Loi giai tham khao
z, +z, :3+2i:>‘z1 +ZZ‘:\/E

Cau 68. Cho hai s6 phtic z, =-3i va z, =3 ->5i. Tinh P = ‘zl -z

Al

A. P=+73. B. P=+13. C.P=3. D.P=5.

Loi giai tham khao

z, —z, ==-3+2i, do do: ‘zl—zz‘:\/ﬁ.

Cau 69. Cho hai s6 phttc z, =2+ 61, z, =—1+2i. Tinh P :‘z1 —zz‘.
A. P=5. B. P=6. C.P=7. D. P =8.

Loi giai tham khao

2~z = (2+1) +(6-2) =5.

Céau 70. Cho hai s8 phitc z, =1—i va z, =4+5i. Tinh P=|z, —z,| la
A. P=2.5. B. P=3\5. C.P=33. D.P=5/3.

Loi giai tham khao

zZ,—z, :—3—6i:>‘zl—22‘:3\/g.

Cau 71. Cho hai s6 phtic z, =4 +5i va z, =-1+2i. Tinh P :‘z1 —zz‘.

A. P =+/41. B. P=+/5. C. P=32. D. P =+/34.

Loi giai tham khao

z, -z, :5+3i:‘zl—zz‘:\/52+32 —34.

Cau 72. Cho hai s6 phtic z, =1-2i va z, =3+i. Tinh P :‘z1 —222‘.

A. P=+2. B.P=+41. C.P=+29. D. P=33.

Loi giai tham khao

2, -2z, =-5-4i = |z, ~2z,|=/(-5) +(-4) =41

Cau 73. Cho hai s6 phtic z, =3 +1, z, =2—i. Tinh P:‘zl+zlzz‘.
A. P=10. B. P=50. C. P=5. D. P=85.

Loi giai tham khao
z2,z,=7-1,z +z,.z,=10.
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(1-+/3i)’
1—i
A P=82. B. P=83. C.P=42. D. P=43.

Cau 74. Cho s0 phttc z thoa man z = .Tim P = ‘E + iz‘ .

Cau 75. Cho hai s6 phtic z, =1+ 31, z, =a+bi. Tinh ‘22 ,biét z, +z,=3+4i.

=3. B.‘zz‘:4. C.‘zz‘=\/g. D.‘zz‘:S.

Cau 76. Cho s0 phtic z = (2+i)(1— i)+1+2i. Tinh ‘z‘

A.|z|=2V2. B. |2|=442. C.|{=17. D. |z|=+5.

Cau 77.. Cho s8 phtic z=1+4i+(1-i) . Tinh |2|.
A. |7|=4. B. |2[=/29. C. |=1. D. |2|=+5.

A. ‘z‘=5\/§. B. ‘z‘:SO. C. ‘Z‘ZT' D. ‘z‘:?.
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A.‘z‘:7. B.‘z‘:& C.‘z‘:5. D.‘z‘:2.

A.|z|=4+5. B. |7 =+5. C. |z|=20. D. || = 40.

Cau 81. Cho hai s6 phtic z, =1-1i va z, = -3+ 5i. Tinh médun cua s6 phttc w=2z,.z, +z, .

A. Jw|=+/130 . B. |w|=130. C. [w|=112. D. |w|=112.

A. |z =+11. B. |2 = V/85. C. [7|=11. D. ||=85.

Cau 83. Tinh modun ctia s6 phttc z théa man phuong trinh
Qz-D(A+i)+(z+1)(1-1)=2-2i .

A ‘zﬁ, B. | \=£- C.|2|=1. D. |o| - <.
3 2 2 3
Cau 84. Cho s0 phtc Z:W.Tinh ‘z‘
(1+2i)°
A =2, B.|7|=2. C.|o|=2. D. [1-Z.
5 5 5 5
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Cau 85. Cho s0 phttc z thoa man (2 +1i) =2—i.Tinh médun cta s6 phttcc w=1+z+z".
z+
A. [w|=4. B. |w|=9. C. |w|=13. D. |w|=13.

) L o 7 (1+i)(2-1)
Cau 86. Tim modun ctia s6 phitc lién hop cta z = ~—————.
A [ =+2. B. [1=212. C.[o]=1. D. [ =52.

(2-3i)* +(1+1)
(1-2i*

A= B2 CH={2.  Df-s.

Cau 87. Tim mddun cta s6 phtc z, biét z =

Cau 88. Tim s6 phttc z c6 médun nhé nhat sao cho ‘z‘ = ‘; -3+ 41".

A.z=—§—2i. B.z=—§+2i. C.z:§+2i. D.z:g—Zi.
2 2 2 2

Cau 89. Tim s6 phttc z ¢6 médun nho nhat z thda man ‘z -2- 41" = ‘z - Zi‘ .

A . z=-1+1. B. z=-2+2i. C.z=2+21. D.z=3+2i.
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Cau 90. Tim s6 phttc z ¢6 moédun nho nhat z thoa man ‘z -2+ 31‘ =—

5
26-3+13 78-9v13 . 26 -2+4/13 78 -3+v13 .
A z= + 1. B. z= + 1.
13 26 13 26
26—+13 78—-+/13 . 26++13 78 ++/13 .
C.z= + 1. D. z= + 1.
13 26 13 26

A Pmm:_%' B' Pmin:\/E' C Pmm:%' D Pmin:%

Cau 92. Tim s6 phtic z = (1 + 21')3 +(3 —i)z.

A.z=-3+8i. B. z=-3-8i. C.z=3-8i. D. z=3+8i.
Loi giai tham khao

z=(1+2i) +(3-i) =1+6i+3.4i* +8i° +9—6i +i°
=1+6i-12-8i+9-6i-1=-3-8i.

Cau 93. Tim phan thuee a cta s6 phitc z thdéa man (1+i)2 (Z—i)z :8+i+(1+2i)z.
A .a=2. B. a=-3. C.a=-2. D.a=3.
Loi giai tham khao

Taco: (1+i) (2-i)z=8+i+(1+2i)z ¢ (2+4i)z—(1+2i)z=8+i

8+i (8+i)(1-2i)

. =2-3i
1+2i 5

<:>(1+2i)z:8+i<:>z=

Vay phan thuc cta z bang 2.

Cau 94. Tim s8 phtic z thoa man iz +2z = —1-8i.
A.z=7+7i. B.z=5-2i. C.z=2+5:1. D.z=1-2i.

Loi giai tham khao

Goi z= a+bi khidd z=a—bi
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20—-b=-1 {a=2

Ta co: iz+2z=-1-8i < N
a—2b=-8

Vay z=2+5i,

Cau 95. Tim s phtic z thoa man z—(2+3i)2=1—9i.
A . z=-3-1. B.z=-2-1i. C.z=2-1i. D.z=2+i.

Loi giai tham khao
Goi z=a+bi (a,be]R)

N . , , ) ) —-a-3b=1 a=2
z—(2+43i)z=1-91 < a+bi—2a+2bi—3ai-3b=1-9i < =
-3a+3b=-9

Vay z=2-1.

Céu 96. Tim phén 4o bctia s8 phic z thoa man z+2z=(2-i) (1-i).
A.b=13. B. b=-13. C.b=-9. D.b=9.

Loi giai tham khao
bat z=x+yi;x,yeR
z+2z=(2-i) (1-i)
S x+yi+2(x-yi)=-9-13i

3x=-9 x=-3
= = .
-y =-13 y=13

o N /4 n ’ 2 ~ 2 - —I? pl _
Cau 97. Tim cac sO phttc z thoa man ‘z‘ +2zz+|z| =8 vaz+z=2.
Az, =-1+i;z,=1-1i. B.z =1+1;z, =-1-1.
Cz =-1+iz,=-1-1i. D.z =1+1;z,=1-1.

Loi giai tham khao
‘z‘z +222+‘2‘2 =8& 4(x2 +y2):8 oxt+yt=2.

z+z=2e2x=2<x=1. Dodé x=1 va y = 1.

Cau 98. Tim phan thyrc a ctia s phtic z thoa man iz +4 + 5i =i(6+ 3i).
A.a=1. B.a=7. C.a=11. D.a=-1.

Loi giai tham khao
i(6+3i)—4 - 5i
i

Tim z = =1+7i.Phanthucla a=1.

Cau 99. Tim s6 phtic z thoaman (1+i)z+(2-3i)(1+2i)=7+3i.

A.z=l+§i. B.z:l—li. C.z:1+§i. D.z:—l—gi.
2 2 2 2 2 2 2

Loi giai tham khao
(1+1)z+(2-3i)1+2i) =7 +3i < (1+i)z+(8+i) =7 +3i & (1+1)z=—1+2i

-1+2i 1 3.
z= S z=—+—1.
1+1 2 2
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Cau 100. Tim s8 phtic lién hop ctia s6 phite z = (1+1)(3 - 2i) +%.
+1
- 17 2 - 17 4 - 27 4. - 17 2.

A z=—+—1. B.z=—+—-1. C.z=———1. D.z=—-—1.
3 3 5 5 5 5 3 3

Loi giai tham khao
z=(1+i)(3—2i)+i,:5+i+ﬁ=27+4l o z=,4
2+i 5 5 5 5

Cau 101. Tim cdp sd (x; y) thoa man diéu kién

(2x—4y+1)+(x—3y)i:(4x+2y+3)+(3x—y+5)i.

A. _—13,2 . B. §;—§ . C. E,_—g . D. 143,2 .
4 4 4 4 4 4 4 4

Loi giai tham khao
(2x—4y+1)+(x—3y)i:(4x+2y+3)+(3x—y+5)i
v 13
2 — = — — = -
- x—4y+1 4x+2y+3<:> 2x — 6y 2<:> 4
—2x-2y=>5 3
L

x-3y=3x-y+5

Cau 102. Tim s6 phtic z thoa man (2+i)z = (3—2i)z —4(1—1i).
A.z=3-1. B.z=-3-1i. C.z=3+1. D.z=-3+1.

B Loi giai tham khao
(2+i)z=(3-2i)z—4(1—i) <= (2+i)(a+bi)=(3-2i)(a—bi)-4(1-i)

{3a+5b—4:0 {a=3
= = .

a-b-4=0 b=-1
Cau 103. Tim s6 phtic z thoa man 1_2_12:1_31,.
1+1 2-3i
-2 36. -2 20,
zZ=—+—1. B.z=—+—1.
65 65 65 65
-30 36. 2 36.
zZ=—+—1. D.z=—+—1.
65 65 65 65
Loi giai tham khao
1-2i  1-3i (1-3i)(1+1)
OZ: -QZ: . .
1+i  2-3i (2-3i)(1-2i)

4-2i -2 36.
= SFZ=——+—71
—4-7i 65 65

~ Z

Cau 104. Cho s8 phitc z =2+ 3i. Tim s8 phitc w = iz — z.
A. w=-3+5i. B. w=5+3i. C. w=-5+5i. D. w=5-51.

Loi giai tham khao
w=iz-z=i(2+3;{)—(2-3i)=-5+5i.

Cau 105. Cho s6 phitc z =1+ 2i. Tim s6 phttc w =iz +z.
A.w=1+1. B. w=-1+1. Cw=-1-1. D. w=1-1.
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Loi giai tham khao
Cho s6 phttc z=1+2i. SO phttc w =iz +z la
w=iz+z=i(1+2i)+1-2i=-1-i.

Cau 106. Cho s6 phtic z = 3+ 2i. Tim s6 phttc w =2i z + z.

A. w=-1+4i. B. w=9-2i. C.w=4+7i. D. w=4-7i.
Loi giai tham khao

Tacd Z=3+2=z=3-2 >w=2iZ+z=(3+2i)2i+3-2i=-1+4i.

= BAITAP TU LUYEN v

Céu 107. Cho s8 phitc z =5+ 2i . Tim s6 phtic w =iz —z.
A, w=3-3i. B. w=3+3i. C.w=-3+3i. D. w=-3-3i.

CAu 108. Cho s6 phtc z =73—%i. Tim s8 phttc w =1+ z +z°.

:3+\/§+1+\/§i _1+\/5_1+\/§i

A.w B. w
2 2 2 2
1 3. 3443 1+43 .
C =———1. D. w= - 1.
2 2 2 2

A.w=2. B. w=-2. C. w=0. D. w=3.

A b=-1. B.b=2. C.b=1. D.b=-2.
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Céu 111. Cho s8 phtic z théa man (3+2i)z+(2-i)* =4 +i. Tim s§ phitc w=(1+z)z.
A . w=3+1. B.w:—i—li. C.w:—i—ﬂi. D.w=3-1i.
J13 13 13 13
X - N N o z2-2z+1
Cau 112. Cho s0 phttc z thoa man (1+z)(z—z)+22 = 2i. Tim s6 phttc w = ———.
z
A w=-1+31. B. w=-1-1. Cw=i1. D. w=1+3i.
Cau 113. Cho s6 phtrc z thoa man (1+ i)z—(2—i)£ =3. Tim s0 phttc w = z—2jz
—1
A.w:2+§i. B. w=-3+2i. C.w:£+§i. D.w=—+2i.
2 2 2 2 2 2
Céu 114. Cho s6 phttc z thoa man : 2_+£:2.Tim36ph1’rc w=z"-z.
—2i
A.w=3+5i. B. w=3+3i. C.w=1+5i. D. w=1+3i.

Cau 115. Tim tat ca cac s6 phttc z théa man dong thoi hai diéu kién ‘z‘ =2 vaz’ 1asd
thuan ao.

A.z=1+4i hoac z=-1+i. B. z=1+1.

C.z=-1+i. D.z=-1-i.

Cau 116. Tim s6 phtc z théa man ‘z‘ +z=3+4i.

A.z:—%+4i. B.z=-7+4i. C.z=-7+61. D.z=7+6i.
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Cau 117. Tim s6 phttc z théa man ‘z - (2 + z)‘ =10 va zz=25.

A.z=3+4i va z=5. B.z=3-4i va z=5.
C.z=4-3i vaz=-5. D.z=4+3i va z=5.

A. 0. B. 1. C.3. D.2.
Céu 119. Tim phén thyc a cua s8 phite z = (1+i)"

A.a=2"", B. a=-2""". C.a=0. D.a=1.
Cau 120. Tinh P =i.(1+i) .

A. P=2"%. B. P=-2"%. C. P=2"", D. P=-2""%,

.\ 2017
Cau 121. Cho s6 phtic z = %) .Tinh P=zz"z".
—i

A.P=-i. B. P=i. C. P=1. D. P=-1.

Cau122. Tong tong S=T1+i+i> +i° +...+i"".

A.S=1+1. B.5=1-1. C.5=1. D. S=i.
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A.a=0. B.a=1. C.a=2P. D. a=-2".

Cau 124. Cho s6 phttc z=a+bi thoaman z+2iz=3+3i.Tinh S= a*° + b*7.

34032 _ 32017 34032 _ 32017
A.5=0. B.S=2. C.S="—— D Sz_[T .

Céu 125. Tim phan thyc a cta s6 phtee 1+ (1+1)+(1+1)* + (1+1)° +...+(1+1)”.

A.a=-2"-1. B.a=-2". C.a=2"+1. D.a=2"-1.
Cau 126. Cho s6 phtic z =" (m e R). Tim gia trj thyc cta m dé z.z=—.
1—m(m—21)
A m=1£42. B. m=+1. C.m=-1xv2.  D.m=0.

Céu 127. Cho s6 phttc z =1+ mi. Tim gi4 tri thwee cia m d€ z° 1a mot s thuc.

A m=0,m=+—. B.m:O;m:\/g. C.m:O;m:—x/g.D.m:O;m:i\/g.

Cau 128. Cho (x+ 21')2 =3x+yi (x, ye ]R). Tim gid tricta x va y.
A. x=1vay=2hodc x=2 va y=4.
B. x=-1va y=—4 hodc x=4 va y=16.
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C.x=2vay=>5hodcx=3 vay=—+4.
D.x=6 vay=1hodcx=0 va y=4.

Cau 129. Cho (x+2i)2 =yi (x, yeR). Tim gid tri cha x va y.
A.x=1vay=4hodc x=-1vay=—+4.
B. x=3 va y=12 hoac x=-3 va y =-12.
C.x=2vay=8 hoac x=-2va y=-8.
D. x=4 va y=16 hodc x=—4va y=-16.

Cau 130. Cho hai s6 phttc z, =1+b,i, z, =a, +2i théa z, +z, =2+5i. Tim z,,z,.

Az =1+2i,z,=3+2i. B.z =1-3i,z, =1+1.
C.z =1+3i,z,=1+21. D. z =2i,z, =-2+1.
. NV . . |z trz, =144
Cau 131. Cho hai s6 phttc z, =a, +b,i,z, =a, +b,i thoa 1 .Tim z,,z,.
Z, —Z,=—
Az =2i,z,=1+i. B.z =3i,z, =1+1.
C.z =2i,z,=1+2i. D.z =i,z,=2+1.

z,+z,=1+31

Cau 132. Cho hai s0 phttc z, =a, +2i, z, =a, +i va .Tim z,,z,
z,—z,=—1+1
Az =2i,z,=1+1. B. z, =3i,z, =1+1.
C.z =2i,z,=1+2i. D.z =i,z,=2+1.
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Cau 1. Cho s6 phtec z =i(i —1)(i +2) . Tim diém biéu dién cta s phtc z trén mat phang
toa do.
A. M(-1;3). B. M(-1;-3). C. M(1;-3). D. M(1;3).

Loi giai tham khao
z=i(i-D)(i+2)=i(@* +i-2)=—1-3i
= M(~1;-3) '

Cau 2. Cho s0 phtec z = -2i —1. Tim diém biéu dién ctia s& phttc z trén mat phéng toa do.
A. M(-1;2). B. M(-1;-2). C. M(-2;1). D. M(2;-1).

Loi giai tham khao
SO phtic lién hop cta z la z=-1+2i nén z ¢6 phan thucla -1, phanaola 2.

Vay diém biéu dién 1a M(-1;2).

A ~ ’ . N N N - X 3 ~ 7 1 A v < A
Cau 3. Cho s0 phttc z =3 +i. Tim diém biéu dién cta sO phttc — trén mat phang toa do.
z

A M 1;—E . B. M —E;l . C. M —l;E . D. M E;—l .
4 4 4 4 2 2 2 2
Loi giai tham khao
Tacé:z:1+3i:l: L - = 1'_31 '=1_3l=l __31'
z 1+3i (1+3i)(1-3)) 4 4 4
:M(l;—éj.
4 4

Cau 4. Cho s0 phtc z thoa man (1 - i)z +4-2i=0. Tim diém biéu dién cta s& phtc z

trén mat phéng toa do.
A. M(-3;-1). B. M(-3;1). C. M(3;-1). D. M(3;1).

Loi giai tham khao
Cho s6 phtrc z thoa méan (1 - i) z+4-2i=0. Diém biéu dién cua z cé toa do la
—4+2i

1-1

(1-i)z+4-2i=0=(1-i)z=-4+2i=z= & z=-3-1i

Cau 5. Cho s8 phtic z thoa man (1-i)z=>5-i. Hoi diém biéu dién cua z 1a diém nao
trong cac diém M, N, P, Q & hinh bén?
A.Diém N. B.Diém M. C.Diém P. D.Diém Q.

Loi giai tham khao
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—q Y
Ta co: (1_i)z:5—i<:>z=%=3+2i:>M(3;2).
—i
Q 2 M
-3 O 3 X
P -2 N

Cau 6. Cho s6 phtic z thoa man (1-4i)z = 5i — 2z . Tim diém biéu dién cta s6 phtic z trén

mat phéng toa d0.

A M _—4,§ B. M é,g C M g,é D. M E,_—4
55 55 55 5 5

Loi giai tham khao
(1-4i)z=5i-2z < (1-4i)z+2z=5i < (1-4i+2)z =5i & (3—-4i)z=5i

5i 5i(3+4i)  15i-20 3i-4 -4 3. (-4 3
Sz= = ~ = E =—+2i=|—io |
3-4i (3-4i)(3+4i) 25 5 5 5 55
Cau 7. Cho s6 phttc z théa man (1—2i)z =3+i. Hoi diém biéu dién cta z la diém nao
trong cac diém I, J, K, H ¢ hinh bén?
A.Diém K. pA B. Diém H.
C.Dbiém I. z D. Diém J.
1,13,
Al
51 15 1 x
ni-[ 74k
5

Loi giai tham khao
3+1

(1—21’)2:3+i:z= ,21
1-2i 5

7.
+=i
5l

«A? o« A? « X \ ] l.z
Diém biéu dién la 55 )

Cau 8. Cho s& phtic z thoa man (4 —i)z =3—4i. Tim diém biéu dién cta s phttc z trén

22 e m[2._2), -
17" 17 5" 5 25" 25

mat phéng toa do.

M E;—E .
15" 15

Loi giai tham khao

Tacd (d—i)z=3—dimz=o—2 _16_13 ':M(M- 13)

— -

4—i 17 17

17" 17
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Cau 9. Cho s6 phitc z thoa man (1+2i)z =8+ i. Hoi diém biéu dién cua z 1a diém nao

trong cac diém M, N, P, Q ¢ hinh dudi day?

Y s
N B wm
-2 2
i 0 i x
L
A. Diém P. B. biém Q. C.Pbiém M. D. biém N.

Loi giai tham khao
Taco: (1+2i)z=8+ie z= o _(Ei)(=2)
2i+1 5
Vay z duoc biéu dién boi diém (2 ;—3), suy ra Q(Z ;—3).

Cau 10. Cho s8 phitc z thoa man (1+ i)z =14 -2i. Tim diém biéu dién cta s6 phtic z

trén mat phéng toa do.
A. M(6;8). B. M(8;6). C. M(-8;6). D. M(6;-8).

Loi giai tham khao

14-2i (14—21’)(1—1')
1+i 2

Tir gia thiét (1+i)z=14—-2i suy ra z = =6—8i

Goi M (x; y) 1a diém biéu dién ctia z =6 - 8i trong mp toa dd Oxy suy ra M (6;-8) .

Cau 11. Cho s8 phtic z thoéa man (1+i)z = (1-2i)’. Tim diém biéu dién ctia s phtic z

B. M Z,’—l . C M Z,l . D. M —Z;—l .
2 2 22 2 2

trén mat phang toa do.

A. M —Z;l.
2 2

Loi giai tham khao

Cau 12. Goi A 1a diém biéu dién cua s8 phic z=3+2i va B la diém biéu dién ctia s6
phttc z' =2+ 3i. Ménh dé nao dudi day la diing?

A. Hai diém A va B d6i xting nhau qua duong thang y = x.

B. Hai diém A va B d6i xting nhau qua gdc toa do O.

C. Hai diém A va B d6i xttng nhau qua truc tung.

D. Hai diéfm A va B d6i xtitng nhau qua truc hoanh.

Loi giai tham khao
Tacd z=3+2i= A(3;2); z'=2+3i= B(2;3). Goi I la trung diém cua AB

Lﬁcdé:@:@ﬂ)}[(é;éjj ABu, =0
2°3 led
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Vi (d) :y=x va I latrung di€ém cta AB= A va B d6i xttng nhau qua (d)

Cau 13. Goi A la diém biéu dién cta s8 phttc z=1+2i va B la diém biéu dién ctia s6
phtic z' = -1+ 2i. Ménh dé nao dudi day la diing?

A. Hai diém A va B d6i xting nhau qua truc hoanh.

B. Hai difm A va B d6i xitng nhau qua truc tung.

C. Hai diém A va B d6i xting nhau qua gdc toa do O.

D. Hai diém A va B d6i xting nhau qua duong thang y = x .

Loi giai tham khao

Vi AL 2); B(-1; 2). Hai diéfm A va B d6i xttng nhau qua truc tung.

Cau 14. Goi A la diém biéu dién ctia s& phttc z=2+5i va B la diém biéu dién cta s
phtic z' = -2+ 5i. Ménh dé nao dudi day la diing?

A. Hai diém A va Bd6i xting v6i nhau qua truc hoanh.

B. Hai difm A va B d0i xttng véi nhau qua truc tung.

C. Hai diém A va Bddi xting v6i nhau qua goc toa do O.

D. Hai diém A va Bd6i xting véi nhau qua dwong thang y = x .

Loi giai tham khao
X, =—X

Ta co: { ’
Ys =VYa

4 nén hai difm A va B d6i xting v6i nhau qua truc tung.

Cau 15. Goi A la diém biéu dién s6 phtic z, B 1a diém biéu dién s& phitc —z. Ménh dé nao
dwdi day la sai?

A. A va B d6i xiing nhau qua truc hoanh.

B. A va B trung goc toa d¢ khi z =0.

C. A va B d6i xtiing qua goc toa do.

D. Puong thang AB di qua gdc toa do.

Loi giai tham khao
Gia sit A(a;b) 1a diém biéu dién s8 phtic z thi B (—a; —b) 1a diém biéu dién s& phtic

-z = A va B d6i xting nhau qua goc toa do.

Cau 16. Cho cac s6 phtc z, =_4—11; 7, = (1—i)(1+2i); z, = 23+ 6,1 .Goi A,B,C lan luot la
l_

2
—1

diém biéu dién ctia cac s6 phtic z,, z,, z,. Ménh dé nao dudi day la diing?

A.Ba diém A, B,C thang hang. B. Tam giac ABC la tam gidc vuong.

C. Tam giac ABC la tam gidc can. D. Tam giac ABC la tam gidc vuong can.

Loi giai tham khao
4i

Vi z, =_—1=2—2i:>A(2;—2),
i
z,=(1-1)(1+2i)=3+i= B(3;1)
2+6i .
=5 =2=C(0:2)

Ta c6: AB =~/10; AC=1/20; BC=/10 nén AC>=AB’+ BC’ suy ra tam gidc ABC vuéng tai B.
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Cau 17. Trong mit phang phttc, goi A, B,C Ian luot 12 cac diém biéu dién ctia cac s6 phiic
z, = (1 - i)(2 + i);z2 =1+ 3i;z, = -1-3i. Ménh dé nao dudi day la diing?
A. Tam gidc ABC can. B. Tam giac ABC déu.

C. Tam giac ABC vudng. D. Tam giac ABC vuong can.
Loi giai tham khao

z, =3-1i; z, =1+3i; z, =—1-3i. Khi d6 A(3;-1); B(1;3); C(-1;-3). Biéu dién trén mp
ta c6: tam gidc ABC vudng can tai A.(Chting minh bang tich vé hudéng 2 vecto hodc do
dai cac canh)

s

Cau 18. Trong mit phang toa d6 Oxy, goi M la diém biéu dién cho s§ phitc

z=3-4i; M' la diém biéu dién cho s phtrc z' = %z . Tinh dién tich tam gidc OMM’.

25 25 15 15
A S0 :Z‘ B. S,omm :?' C. Syomm :Z' D. 5,00 :7-
Loi giai tham khao
Theo gia thiét, ta c6 M(3;—4) va z/ :—1+Z z= lJrli (3—41') = Z—li suy ra
2 2 2 2 2
(7,1
2 2

Ta co OM' 2(%;—%) MM' =(%,%) = OM'MM'=0 va OM’ = MM’ nén tam giac

OMM’ vuong can tai M’. Dién tich tam gidc OMM’ la
2

2 2
S %.OM'.MM':%. (lj +(Zj :§.

AOMM' — > >

Cau 19. Phuong trinh x* —2x+b =0 c6 hai nghiém phtrc duoc biéu dién trén mit phang
phttc boi hai di€ém A, B. Tinh gia tri b d€ tam gidc OAB déu.

Ab=2 B.b=3. C.p=1 D.b=4.
3 3

Loi giai tham khao
Tinh A=1-b.
Vi pt c6 2 nghiém phitcnén b > 1.
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x:1—i4/‘1—b‘
x=1+i,/\1—b\

Cac didm bidu didn 1a A(l; ~Ji-v ) B(l;

Khi d6 pt c6 nghiém

1—b\)

Tam giac OAB déunén OA=0B=AB=b= %

Cau 20. Tim tap hop cac diém biéu dién s6 phirc z trén mit phang toa do thoa ‘z - Zi‘ <3.
A. Duong tron ban kinh r =3.
B. Hinh tron ban kinh r = 3 khong ké dwong tron ban kinh r=3.
C. Buong tron ban kinh r =9.
D. Hinh tron ban kinh r =9.
Loi giai tham khao

a+((b-2)"<9.

w BAI TAP TU LUYEN v

Cau 21. Tim tap hop cac diém M biéu dién s8 phitc z c6 phan thuc duong thoa man
‘z‘ <2.

A. Duong tron (O;Z).

B. Hinh tron (O;Z).

C. Ntra hinh tron (O; 2) nam bén tréi truc tung.

D. Ntta hinh tron (O; 2) nam bén phai truc tung.

Cau 22. Tim tap hop céc diém M biéu dién s6 phtic z thoa man: 1<z < 3.
A. Phan hinh phéng nam hoan toan phia ngoai hinh tron (O; 1) va phia trong
hinh tron (O; 3).
B. Hinh tron (O;3) (b6 gdc toa do O).
C. Hinh tron (O;l) (bo gdc toa d O).
D. Duong tron (O; 1) .
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Cau 23. Cho s6 phtic z =a+bi;a,beR. Tim diéu kién

ctia a va b d€ diém biéu dién cua z nhw hinh bén.
A.a+b=4. B. 2a+2b > 4.
C.a°+b* =4. D. a* +b* < 4.

Cau 24. Cho s6 phttcc z=a+bi;a,b e R. Tim diéu kién ctia a va b dé diém biéu dién ctia
Z ndm trong dai (—2; 2) nhw hinh bén.
A

y
a=?2 .
A. ) B. 2<a<2vabelR.
b>2 <
<-2 DY 2
4 D. a, be(-2; 2)
b<s=2

Cau 25. Cho s6 phttc z=a+ai v6i aeR,. Phuong trinh nao trong cac phuwong trinh
duong thang sau chita cac diém biéu dién cac s8 phitc z ?
A y=2x. B.y=-x. C.y=x+1. D.y=x.

A. (1+i)z=3-i.  B.(1-i)z=3-1i.
C.(1-i)z=3+i.  D.(1+i)z=3+i.
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Cau 27. Cho s6 phttc z=a+bi;a,b e R. Tim diéu kién ctia a va b d€ diém biéu dién cua

z nhu hinh bén.

)\V
‘ ‘ X
2 n 2
a2 <2 .
A . B . C. 2<a<2vabeR D.a,be(—Z; 2).
b>2 <=2

Cau 28. Cho s6 phttc z=a+bi;a,b e R. Tim diéu kién ctia a va b d€ diém biéu dién cua

z nhw hinh bén. Ay
3
X
0 " [a<-3
A. B. :
> b<-3
-3
C.a, be(-3; 3). D.aeR va-3<b<3.

Cau 29. Tim tap hop cac diém trong mit phang phttc biéu dién s phiic z théa man diéu
kién z* 1a s0 ao.

A. Truc ao.

B. Truc thue.

C. Hai duong phan giac y =x va y =—x cuta cac goc toa do.

D. Buong phan giac goc phan tu thit nhat.

Cau 30. Tim tap hop céc diém trong mit phang biéu dién cho s& phtic z thoa man diéu
kién z* la mot s thuc dwong.

A. Truc hoanh (trtt goc toa do O).

B. Truc tung (trtr goc toa d6 O).
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C. Duong thang y = x (trlt géc toa dd O).
D. Puong thang y = —x (trit gdc toa dd O).

Cau 31. Cho s6 phtic z=—-1+2i. Diém biéu dién ctia s8 phtic z 1a di€ém nao trong hinh
sau?

.- ’
1 .B
b
-
A.Diém 4. B. Diém B.
C.Diém C. D. Diém D.

Cau 32. Cho cac s6 phtec z théoa man ‘z - 1‘ =2.Biét réng tap hop cac diém biéu dién céc

sO phtic w=(1+ i3 )z+2 la mot duwong tron. Tinh ban kinh r ctia duong tron do.
A r=4. B. r=8. C.r=2 D. r =16.

Céu 33. Biét ring tap hop céc diém biéu dién s§ phirc z thoa man |z -4+ 3i| =2 la mot

dwong tron. Tim tam [ va tinh ban kinh R cua duong tron do.
A.1(43),R=2. B.I(4-3),R=4. C.I(-43),R=4. D.I(4-3), R=2.
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Cau 34. Trén mat phrfmg toa do, tim tap hop cac diém biéu dién cac sd phtec z thoa man
diéu kién |z — (3 —4i)| = 2.

A. Duong tron tam 1(3;4) ban kinh R=+/2.

B. Duong tron tam 1(3;4) ban kinh R=2.

C. Duong tron tam 1(3; —4) ban kinh R=+/2 .

D. Duong tron tam I(3;-4) ban kinh R=2.

Céu 35. Cho s8 phtic z thoa man |z —1|=2. Biét rang tap hop cac diém biéu dién céc s8

phttc w =2z —i la mot dwong tron. Tim ban kinh r ctia dwong tron do.
A.r=2. B.r=1. C.r=-2. D.r=4.

Céu 36. Cho s6 phtic z thoa |z—1+i=2. Ménh dé nao dudi day la diing?
A. Tap hop diém biéu dién s8 phitc z 1a mot duong thang.
B. Tap hop diém biéu dién s6 phitc z 1a mot dwong Parabol.
C. Tap hop diém biéu dién s& phikc z 1a mot duong tron c6 ban kinh bang 2.
D. Tap hop diém biéu dién s6 phirc z 1a mot duwong tron c6 ban kinh bang 4.

Cau 37. Tap hop cic diém trong mat phang phtic biéu dién cac s§ phtrc z thoa man
|z+Z +5l=6 la dudong thang cé phuong trinh nao trong cac phuwong trinh sau?

1
A x=—. B. x=%—. C.y=—. D.y=+—.
5 5 Yy Yy
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Cau 38. Tap hop cac diém biéu dién ctia s6 phtic z thoa man diéu kién ‘z + i‘ =3 la duong
thdng c6 phuong trinh nao trong cac phwrong trinh sau?

A. X +(y-1°=9. B. x* +(y+1)* =9.

C. (x-1*+y=9. D. x* +(y+1)* =3.

Cau 39. Tim tap hop cac diém trong mit phang biéu dién s6 phtic z thda man diéu kién
|z -1+2i]=4.

A. Mot duong thang. B. Mot dwong tron.
C. Mot hinh chir nhat. D. Mot hinh vudng.

Cau 40. Tim tap hop céc diém M bidu dién s6 phtic z, thoa man : |2% — (z)?| = 4.

A. Duong cong y =—.
X
B. Duong cong y =

C. buong cong y =— va duong cong y =—.

D. Duwong cong y = — hodc duwong cong y =—.
x

R R[m R

Cau 41. Tim tap hop cac diém trong mit phang phttc biéu dién cac s phiic z thoa

(1+4)z-2i]=+2.
A (x+1) +(y-1) =1. B. (x+1) +(y+1) =1.
C.(x-1) +(y-1) =1. D. (x-1) +(y+1) =1.
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Cau 42. Cho s0 phtrc z thda man 2|z+2-3i=]2i —=1-2z|. Tim tap hop diém biéu dién
cho s6 phtic z.

A.Duong thang 12x + 32y +47 =0. B. Puong thang 12x - 32y +47 = 0.
C. Duong thang 12x — 32y —47 =0. D. Duong thang 12x +32y —47 = 0.

Cau 43. Trén mit phang toa do, tim tap hop tat ca cdc diém M trong biéu dién cac s
phtec thoa ‘z‘ = ‘z -3+ 41".

A.2x-3=0. B. Puong thang 6x -8y —25=0.
C. Duong thang 6x +8y —25=0. D. Puong thang y—2=0.

CAu 44. Trong mp toa d0 Oxy, tim tap hop diém bidu dién cic s phic z thoa man:
2=l =|(1+1)z]-

A.Tap hop céc diém biéu dién cac s6 phite z 1a dudng tron tam I(2,-1),ban kinh
R=+2.

B. Tap hop cac diém biéu dién cac s6 phiic z 1a duong tron tam [ (0, 1),bén kinh R = V3.
C. Tap hop céc diém biéu dién cac s8 phiic z 1a duong tron tam [ (O, ~1), ban kinh
R=+3.

D. Tap hop cac diém biéu dién cac s6 phtic z 1a dudng tron tam I(0, —1) , ban kinh

R=+2.
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Céu 45. Cho s8 phtic z théa |2+ 2| =[1-z|. Ménh dé nao dudi day la ding?
A. Tap hop diém biéu dién s8 phitc z 1a mot duong thang.
B. Tap hop diém biéu dién s6 phitc z 1a mot dwong Parabol.
C. Tap hop diém biéu dién s8 phirc z 1a mot duong tron.
D. Tap hop diém biéu dién s§ phirc z 1a mot duong Elip.

Cau 46. Trén mat phéng toa dg, tim tap hop cac diém M biéu dién s8 phttc z thoa man
z

zZ—1

=3.

A. Buong tron tam I(%, O] ban kinh R =
B. Puong tron tam 1 (O, gj ban kinh R =

C. buong tron tam [ (O, gj )
2
8

VR
53

| W

D. Duong tron tam 1

- —\2
Céu 47. Tim tap hop céc diém M biéu diém s3 phiic z thoa man: 2* = (z) .
A. Truc Ox vatruc Oy. B. Truc Ox.
C. Truc Oy. D. Khong c6 diéem M.

CAu 48. Trong mat phang phttc Oxy, cho s6 phtic z thda lan luot mot trong bon diéu
kign (I):|z+2=2; (11):22=5; (1):[z=2i[=4, (IV):[i(z-4i)| = 3. Hoi diéu kién nao
dé s8 phttc z c6 tap hop bidu dién 1a duong thang?

A. (1). B. (I),(II). C. (I),(1v). D. (II),(I),(IV).
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Cau 49. Trén mat phéng toa dg, tim tap hop cac diém biéu dién s6 phtic z thoa méan

20,

z+1
A.Diém 0(0;0). B. Duong tron tam 1(0;1), ban kinh R=1.
C. Truc Oy. D. Truc Ox.

Cau 50. Cho s6 phttc z théa man ‘z -3+ 4i‘ =2 va w=2z+1-i. Trong mit phang phtc,

tap hop diém biéu dién s phiic w 1a mot duong tron. Tinh tam I va ban kinh R cta
duong tron do.
A. I1(3;-4),R=2. B. I(4;-5),R=4.

C. I(5-7),R=4. D. 1(7;-9),R=4.

Céu 51. Cho s6 phttc z =3+ bi ;(b € ]R). Phuong trinh nao dudi day biéu la phuwong trinh

duwong thing biéu dién cic s6 phitc z trong méit phang phtic.
A. x=3. B. y=3. C.x=b. D.y=b.
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A. Ox. B. Oy. C.O. D. Ox va Oy.

A. M(2;3). B. M(-2;-3). C. M(2;-3). D. M(-2; 3).

Cau 54. Goi M 1a diém biéu dién s6 phtic z trong mat phang phic. S6 —z  dwoc biéu
dién boi diém nao trong cac diém sau?

A. Dé6i xtiing véi M qua O. B. Ddi xting v6i M qua Oy .
C. bdi xting véi M qua Ox . D. Khong xac dinh duoc.
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Céu 1. Tim nghiém ctia phuong trinh (2-i)z~ 4 =0 trén tap s phic.

z:§—éi. B.z:é—gi. C.z:z+§i. D.Z:Z—Ei.
SR> 5 5 5 5 5
Loi giai tham khao
Ta co' phuong trinh trong duong z= 4 ':4(2_“) :§+éi :>z:§—éi )
2—1 5 5 5 5 5

Cau 2. Tim nghiém ctia phwrong trinh (i T z) (z—2+3i)=0 trén tap s6 phtc.

z=1i z=2i 7 == z=3i
A. » B. » C. . D. .
z=2-3i z=5+3i z=2+3i z=2-5i

Loi giai tham khao

_ ) . .
Trong C, ta c6 (i+2)(z—2+3)) =0 < (i+2) o T e T
a-bi— 2 + 3i)=0 a=2,b=3 z=2+3i

Cau 3. Tim tap nghiém phtic S cua phuong trinh z* + ‘z‘ =0.

A.S={0;-1;-i}. B.S={0;-1;i}. C.5={0;1;-i}.  D.S={0;i;-i}.

Loi giai tham khao
Goi z = x + yi thay vao phuwong trinh tim x, y,suyra S = {O; i —i} .

Cau 4. Tim nghiém ctia phwong trinh z* +z =0 trén tap s& phtc.

1 3. 1 3

Az =0z =-1Lz,.=—+—1;2,=———1.
1 2 3 4 2 2
B.z =0;z,=1; 3=1+£i;z4:1—£1
2 2 2 2
C 2120;22: 1/Z3:—l+£i;24—1_£
2 2 2
D 21:0;22——1,' 3—1+£i;24—1—£1
2 2 2

Loi giai tham khao

Goi z = x +yi, thay vao phuong trinh x,y suyra: z=0, z=-1, z=—+—1

ST

N |~

Cau 5. Tim nghiém ctia phwong trinh z (2 = i) = 5(3 = 2i) trén tap so phtc.

A.z=8-1. B.z=8+1. C.z=-8-1. D. z=-8+1.

Loi giai tham khao
__(15-10)(2+i) _30+15{-20i—10i* _40-5i
(2-i)2+1i) 5 5

=8-1.
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Céu 6. Tim c4c sO phttc z théa man z* =3 +4i.
Az =2+i;z,=-2-1. B.z =2+1;2z,=-2+1.
Cz=2-i;z,=-2-1. D.z =2-i;z,=-2+1.

Loi giai tham khao

2—b2:3 ﬂ=2}b=1
2 =3+4ie ]| o .
2ab =4 a=-2;b=-1
Céu 7. Tim nghiém ctia phuong trinh z° + 4 =0 trén tap s phtc.
A. z=2i hoacz =-2i. B. z=2.
C.z=2i. D. z=2.

Loi giai tham khao
Ta ¢ z° +4 =0 < (z+2i)(z-2i) =0 <> z = -2i hodc z =2i.

Cau 8. S6 nghiém thuc ctia phuong trinh z° +3z+5=07
A. 0. B. 1. C. 2. D. 3.

Loi giai tham khao
Tinh A=-11<0
Vay phuong trinh khong c6 nghiém thuc.

Cau 9. Tim nghiém ctia phuong trinh z* —2z+4 =0 trén tap sd phtrc.

A z:l—zx/? B. Z=—1—l\/§ C. z:l—zx/a. D z=2—1\/§
z:1+i\/§

z:—1+i\/§. _z=1+i«/§ . z:2+i\/§‘

Loi giai tham khao
z=1-i\3
z=1+ i3

Tinh A'=-3. Vay phurong trinh c6 2 nghiém phtec

Céu 10. Tim nghiém ctia phwong trinh z* —2z+2 =0 trén tap s6 phtic.
A. £1. B. 1. C.-1+i. D.1+:.

Loi giai tham khao
2+2i
2

1+i.

Ta c6 A=4-8=-4.Vay phuong trinh da cho c6 hai nghiém phtc la: x, , =

Cau 11. Giai phuong trinh 2x* +3x+5=0 trén tap s phttc. Ménh dé nao sau day la
diing?

A. Phuong trinh c6 2 nghiém phtc.

B. Phuong trinh c6 2 nghiém thuc.

C. Phuong trinh c6 mot nghiém thiec va mot nghiém phitc.

D. Phuong trinh vo nghiém.

Loi giai tham khao
Tinh A =-31. Vay phuong trinh c6 2 nghiém phttc.

Céu 12. 56 nghiém phttc cia phwong trinh 5z =7z +11=07
A. 2. B. 3. C.1. D. 4.

Loi giai tham khao
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Cau 13. Phuong trinh nao dudi day cé nghiém thuc?
A.z"-32z-4=0. B.z*+6z+10=0. C.2z°+2z+3=0. D.z*-z=-3.

Loi giai tham khao
A.C6 A=25>0.Suy ra phwong trinh c6 nghiém thuec.
B.C6 A =-4<0.Suy ra phrong trinh c6 nghiém phtic.
C.C6 A=-20<0.Suy ra phuong trinh c6 nghiém phtc.
D.C6 A=-11<0.Suy ra phuwong trinh cé nghiém phtic.

Cau 14. Tim nghiém ctia phwong trinh M =z —2i trén tap s6 phtec.
z—i
z=1+2i z=1-2i z=-1+2i z=1+3i
A. . B. . C. - D. i
z=3+i z=3-1 z=-3+1 z=3+21
Loi giai tham khao
Phuong trinh twong duong z* — (4 + 3i)z +1+7i=0
) , 2—-i
Tinh A=3—413JZ={ ,
—2+1

Suy ra nghiém ctua phuong trinhla z, =1+2i; z, =3 +1.
Céu 15. Tim nghiém ctia phuwong trinh z° + 8 =0 trén tap sd phtic.

A.z, =-2; z, =1++3i; z, =1-/3i. B. z, =-2; z, =—1++/3i; z, =1-+/3i.

C.z=-2z =1++/3i; iz =—1-+/3i. D. z, =-2; z, = —1++/3i; Ty =—1-+/3i.

Loi giai tham khao
z=-2
2 +8=06 (z+2)(2" —22+4) =0 | z=1+3i.
z=1-/3i

Céu 16. S6 nghiém phttc ctia phuwong trinh z° —2z° +z-2=07?

A. 3. B. 2. C.1. D. 4.

Loi giai tham khao

Il
+ N

2-22"+z-2=0& { .. Phuong trinh bac 3 ¢6 3 nghiém phtc.
i

N N

Cau 17. Tim tap nghiém phttc S ctia phwong trinh z° +3z% + 3z - 63 =0.
A. 5 ={3;3+23;-3-2V3i}. B. 5 ={3;-3+2V/3i;-3 - 2/3i}.

C. 5={3;—3+2J§i;3—2J5i}. D. 5:{3;3—2@;—3—2\/51'}.

Loi giai tham khao
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2 +322 +32-63=0 (2-3)(22 +62+21) =0 | z2=-3+23i.

z=-3-23i

Cau 18. Tim nghiém ctia phuong trinh z* —6z* +25 =0 trén tap sd phtrc.
B. z=+i;z =+i\/5. C.z==i\5. D. V6 nghiém.

A z=41.
Loi giai tham khao

Taco 22 =—1c z=+i: 22 =5 z2=+i5

Vay phuong trinh co nghiém z =+i; z = +i\/5.

Cau 19. Tim nghiém ctia phuong trinh z* +z* -6 =0 trén tap s6 phtrc.
A.z:i\/E; z:ii\/g. B.z=\/§; z=i\/§.
C.z:i\/g; z:ii\/E. D.z=i\/g; z=22i.

Loi giai tham khao

z' =2
Ta c6 phuwong trinh z* +2z* -6=0 < = .
2> =-3 z=+i\3

Cau 20. Tim nghiém ctia phuong trinh z* + 3z + 2 =0 trén tap s6 phuc.
A.S={-1-2}.  B.S={iiV2}. C. S={i;~i;iv2;-in2}. D.S=@.
Loi giai tham khao
22 =-2=2" z=4i\2
2 +32°+2=0&| | 2 © :

= BAITAP TU LUYEN v

Cau 21. Tim nghiém ctia phwong trinh 3x + (2 + 31') (1 - 21') =5+4i trén tap s phtec.
D. x=-3-5i.

z2% =+

A.x=—1+§i. B. x=-3+5;i. C.x:—l—gi.

Cau 22. Tim nghiém ctia phwrong trinh (\/E ~iV3 ) x+ix2 =3 +24/2i trén tap s6 phtec.
A. 5i. B. -5i. C.i. D. —i.

[ Nguyén Viin Luc |NE
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55,14, 5514, 55_14 55,14
"29 29 19 19 ° 29 29 19 19

Céau 24. Cho z, =1-2i; z, =1+2i. Phuong trinh bac hai v6i hé s6 thyc nhan z;;z, 1a
phuong trinh nao trong cac phuwong trinh sau?

A.z°-2z+5=0. B. 2> +2z+5=0.

C.z*-2z-5=0. D. z* -5z+2=0.

P =|z|+|z,].

A. P=3. B. P=6. C. P=18. D. P=4.

Cau 26. Ki hiéu z,z, 1a hai nghiém phtc cia phuong trinh z’+4z+7=0. Tinh
P = |Z1
A. P=10. B.P=7. C. P=14. D. P=15.

2 2
[+l
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P=zlz+z§.
A. P=6. B.

Cau 28. Ki hiéu z,,z, la hai nghiém phtc ctia phuong trinh 2x* ++/3x+3=0. Tinh

.2 2
P=z +2z.

A p=-2 B.P=2 c.p--2 D.p--3
4 16 4

Cau 29. Tim gid tri cia tham s8 phttc m d€ phuong trinh z* +mz+3i=0 ¢6 2 nghiém

., ~ ~ 2 2 _
phtc z, z, thdaman z°, +z,” =8.

A.m=3+i hoac m=-3-1. B.m=3+i hoac m=-3+1i.

C.m=3-i hoac m=-3-1. D. m=3-1 hoac m=-3+1.

Cau 30. Ki hiéu z,z, la hai nghiém phtc cua phuong trinh z’-z+2=0. Tinh

p:i+z_2-
ZZ Zl
Ap-L B.P=—>. cp=3 D.p=2
2 2 2 2
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Cau 31. Ki hiéu z,z, la hai nghiém phtc cua phuwong trinhx’ +\2x+5=0. Tinh

P:l+l.
Zl ZZ
A P:—Q. B.Pzﬂ C P:—Q. D P:ﬁ
5 5 10 10

Cau 32. Tim gia tri cua tham s8 phtic m d€ phuong trinh z> —mz+2m-1=0 c6 hai

nghiém z,, z, thdaman z; +z> =-10.
A. m=2-232i; m=2+22i.
C.m=1-3i; m=2+3i.

B.m=4-23:m=4+2/3
D.m=1-3i;, m=1+3i.

Cau 33. Ki hiéu z,,z, la hai nghiém phttc cua phuong trinh z* — (8 +3i)z+13+11i = 0.

Tinh P :‘zl‘z +‘zz‘2.
A. P=39. B. P=29.

Cau 34. Ki hiéu z,z, la hai nghiém phttc cia phwong trinh z>+2z+5=0. Tinh

Z,|-

2 2
P:‘zl‘ +‘zz‘ —4|z,

A. P=10. B. P=20.

Facebook: www.facebook.com/VanLuc168 [ Nguyén Vin Luc |NES]

File word lién hé qua



Cau 35. Ki hiéu z,,z, la hai nghiém phtic ctia phuong trinh z* +2z+3=0. Tim s8 phtic

lién hop ctia s6 phite w = (5- 21')(21 +2,)?

A, w=10+4i. B. w=-10—4i. C. w=10—4i. D. w=-10+4i.

P=2fz -
A. P=0. B. P=16. C.P=4. D. P=-4.

P=z +z,+4.
A. P=6. B. P=4. C.P=2. D. P=5.

P=2[z[ -3,
A. P=-14. B. P=-13. C.P=14. D. P=13.

Cau 39. Ki hiéu z,,z, 1a hai nghiém phtc ctia phuong trinh z* -5z+10=0, v6i z, ¢6

phén ao duong. Tim phan thwec a va phan ao b cta s phitc w =4z, —2z,.

A.a:5;b:\/ﬁ. B.a:—5;b:—\/ﬁ.
C.a:5;b:—\/ﬁ. D.a:—S;b:x/E.
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Céu 40. Tim gia tri cua tham s6 phitc m d€ phuong trinh
2 —(5-m+2i)z+5+(m-1)i=0

c6 hai nghiém z,, z, thbaman z,* +z,° = 3z,.z, = -20+7i.
A 2. B. 3. C. 2. D. 1.

Cau 41. Ki hiéu z,z, 1a hai nghiém phtc cua phuong trinh 2z*-2z+5=0. Tinh
P=lz, ~1f +]z, -1[.
A. P=25. B. P=15. C. P=5. D. P=245.

Cau 42. Ki hiéu z,, z,, z, la ba nghiém phtc cta phuong trinh z°-1=0. Tinh

P:‘zl‘+‘zz‘+‘z3‘.

A.P=1. B. P=4. C.P=2. D. P=3.

Cau 43. Ki hiéu z,, z,, z;, z, 1a bdn nghiém phttc ctia phwong trinh z* +z* -6 =0. Tinh

P:‘zl‘+‘zz‘+‘z3‘+ 24‘.
A P=1. B. P=2J2 +23.
C.P=22-23. D.P=7.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |NEY




Cau 44. Kihiéu z,, z,, z,, z, 1a bdn nghiém phtic cia phwong trinh z* -2z -63=0.
Tinh P:‘zl‘+‘zz‘+
A.P=6. B. P=2V7. C.P=3+2J7. D.P=6+2V7.

z,|+ |z,

Cau 45. Ki hiéu z,, z,, z,, z, la bén nghiém phttc ctia phuong trinh z* +4z°-77=0.
Tinh P:‘zl‘+‘zz‘+‘23‘+‘z4‘.

A P=2J7+2411. B.P=2J7-2J11. C.P=27. D. P =211.

Cau 46. Ki hiéu z,, z,, z,, z, 1a bdn nghiém phtic ctia phuong trinh z* —z* -6 =0. Tinh
P = ‘zl‘+‘zz‘+‘z3‘+

A.DP=4. B.P=23+22. C.P=23. D. P=+/3+4/2.

9l

Cau 47. Ki hiéu z,, z,, z,, z, la bdn nghiém phtic ctia phuong trinh z* —z* =12 =0. Tinh
P= ‘zl‘+‘zz‘+‘z3‘+

A.P=4. B. P=23. C.P=4+2J3. D.P=2+23.

9l
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Cau 48. Ki hiéu z,, z, 1a hai nghiém phtic ctia phuong trinh 2z° -3z+8=0, v6i z, ¢6

phén a0 la s6 am. Tim phan thuc a va phan ao b ctia s6 phtecc w =z, + 2z, -3 +4i.

A.a:—élb:@. B.ﬂ:§,b216+3\/%.
Coas_3 p_16-3J55 b al? p16-355

Cau 49. Ki hiéu z, z, 1a hai nghiém phtc cia phuong trinh z*+2z+10=0. Tinh

P:‘zl‘2+‘z2‘2.
A. P=100.

A 1. B. 2.

A x -5 ﬁi'x

A

5 7 5 7
Cox =2+ i x, =23

2 4 2 4

File word lién hé qua
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C. 3. D. 4.

5 7. 5 7.

B.x,=—+—1, x,=———1.
4 4 4

3 7. 3 7.

D.x,=—+—1;, x,=———1.
4 4 4 4
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Céu 52. Tim nghiém ctia phwong trinh 2z* + 3z +4 =0 trén tap sO phtrc.

A, _3%i23 _ 3+i23 _ 3+iy23 _ 3+i23
.le——. B. le——. C. 12——.D. le——.
: 3 : 4 : 5 : 6
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5A. BAI TOAN VE KHOANG CACH & GOC

». Dang 61. Tinh khoang cach - goc

Cau 1. Cho hinh chép S.ABC c6 ddy ABC la tam gidc vudng tai B, AB = BC = a. Biét thé
3

tich ctia khoi chép la %. Tinh khoang cach  tir diém A dén mat phang (SBC) :

=&. C.h=a3. D.h=&.

2 2
Loi giai tham khao

A h=a2. B. I

V= %w” = SA=a.Ké AH vudng goc SB. Khi d6 khoang céch tir A dén (SBC) la AH.

12: 12+ 12:>AH=—”*/§.
H> SA? AB 2

Cau 2. Cho hinh chép S.ABC c6 mit bén SAC la tam gidc can tai S va ndm trong mait

Ap dung 1

phang vuong gbc véi day, ddy la tam giac ABC vudng can tai B, AB = a2 . Biét goc tao
boi SC va (ABC) bang 45°. Tinh khoang cach d tir SB dén SC.

A.d=§. B.d=a/2. c.d=%. D.d=%2,

Loi giai tham khao

SCH =45 = SH =a.
Goi H la trung diém ctua AC. Tinh dwgc AC =2HC =24;BH = %AC =a

CM duoc SH L (ABC) = (SC,(ABC))= SCH =45 = SH =a
—> Tam gidc SHB vudng can tai H = SB = a2

Trong (SHB): Dung HI L SBtai I (1)

CM duoc AC L (SHB)= AC L HI tai H (2)

a2

\ s _Hr=lsp-W2
Tix (1) va (2)=d(SB, AC)=HI = SSB=—"

Cau 3. Cho hinh chép S.ABC c¢6 tam giac ABC vudng tai A, AB=AC=a, [ la trung
diém cta SC, hinh chiéu vudng géc ctia S 1én méat phang (ABC ) 1a trung di€m H ctia
BC, mit phang (SAB)tao voi déy 1 goc bang 60°. Tinh khoang cach d tit diém I dén
mat phang (SAB) theo a.

A d="0 B. -2V
4 2
Loi giai tham khao

C.d=a3. D.d=

A~
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Goi M 1a trung diém ctia AB. Ta c6 SMH = 60°. K& HK vudng gbc véi SM

a3
o

d(I;(SAB))=d(H;SAB) = HK

Cau 4. Khoi chép S.ABC c6 SA vuodng goc voi (ABC ), day ABC la tam gidc vuong tai
B.Biét BC=a va SB=2a va thé€ tich khéi chdp 1a a°. Tinh khoang cach i tr A dén
(SBC).

3a _ a3

A. h=2a. B. h=3a. C.h=—. D. h
2 4

Loi gidi tham khdo g
Dt d(A,(SBC))=h
Dién tich ASBC: S

)
sec =@

Ta co l.a2 h=a
3

Suyra h=3a. A C

Céau 5. Cho hinh chop S.ABC c¢6 SA,SB,SC d6i mét vuong géc nhau va SA=SB=5C =a.
Tinh khoang cach / tir S dén mit phing (ABC ) :

a a a
—_. B.h=—. C.h=—.
V2 V3 2

Loi giai tham khao

A.h: D.h:

a
3

I + L + L —iSu rah=-=
W SA” SsB sct & J3

Cau 6. Cho hinh chép S.ABC c6 day ABC la tam giac vuong tai B biét BC =3,
BA = a. Hinh chiéu vudng géc H ctia dinh S trén mét phang day la trung diém ctia canh
a6

6

AC va biét thé tich khi chép S.ABC bingZ = . Tinh khoang cach d tir C dén mat

phang (SAB ) .

A, g2 2066 B, q- ™30 C. d= 166 D. g 30
11 10 11 5
Loi giai tham khao
3 3
bat SH=x.5uyra V :%x.(%u.ux/gj: 4 ;/g = x=#.%—a\/§
S
Tacé d(C,(SAB))=2d(H,(SAB)) = 2HK
ma 12 = 12+ 42 :HK:”@
HK* 2a° 3a 11
d(C,(SAB))= 2”@. 4 c
11
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Cau 7. Cho t&¢ dién ABCD c¢6 AB=a, AC = a«/E, AD =av3, cac tam giac ABC, ACD,
ABD 1a céc tam gidc vudng tai dinh A. Tinh khoang cach d tir diém A dén mat phang
(BCD).
A a=2C B. 4= 2330 c.a=253 D, 4= 26
3 5 2 11
Loi giai tham khao
Goi H la truc tam tam giéc BCD. Khi d6, AH 1 (BCD)=> d(A,(BCD))= AH.

Ngoai phuwong phap tinh thé tich khoi t dién, ta c6 thé st dung cong thirc:

1 1 1 1 /66

s=——t—+ > = AH =
AH” AB° AC-  AD 11

Cau 8. Cho t&t dién ABCD c6 AB=CD =2a. Goi E, F lan luot la trung diém ctia BC va
AD, biét EF = a\/3 . Tinh (AB,CD).
A. 60°. B. 45". C. 30°. D. 90°.
Loi giai tham khao
Goi M la trung diém BD, (/E,T’D) = (]\E,\]WE)

Ap dung dinh ly cosin trong tam gidc EMF tinh duoc:

cos EMF = —% — EMF =120° = (AB,CD) = 60",

Cau 9. Cho hinh chép déu S.ABC. Nguoi ta tang canh ddy 1én gdp 2 lan. D€ thé tich git
nguyén thi fan ctia goc tao boi canh bén va mdt day phai giam di bao nhiéu lan?
A. 8 Tan. B. 2 lan. C. 3 lan. D. 4 Tan.
Loi giai tham khao
Goi S la dinh hinhchép, O latrong tam tam giac ABC; « la goc tao boi canh bén va

mp (ABC). Chiing minh dwgc thé tich cua khoi chopla V = %ag’ tan o
Khi canh bén tang lén 2 Jan thithé'tichla V = %(201)3 tan o '. D€ the tich gitt nguyén thi

t T . . AN u. 2z i e C o A
tana' = %, tiec la tan goc tao boi canh bén va mat day phai giam di 8 lan.
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= BAITAP TU LUYEN v

Cau 10. Cho hinh 1ap phwong ABCD.A'B'C'D' c6 canh bang a. Tinh khoang cach d tt
A'Bva B'D.

A. d=aV6. B.d:%. C.dz#. D.dz%.

Cau 11. Cho hinh lang tru diing ABC.A'B'C' ¢6 day ABC la tam giac déu canh a. Goc
gitta CA' va mit (AA'B'B) bang 30°. Goi d(AI', AC) la khoang cach gitta 4'I va AC,
tinh d (AI "AC )theo a voi I 1a trung diém AB.

A gl 210 . B g% 210 C e 2a+/210 3a+/210

. . D.d= .
70 35 35 35

Céu 12. Cho lang tru ABCD.A,B,C,D, c6 day ABCD 1la hinh chit nhat. AB=a, AD = a\/g.
Hinh chiéu vuong géc ctia diém A, trén mat phang (ABCD) trung voi giao di€m AC va
BD. Goéc gifra hai mit phing (ADD,A,) va (ABCD) bang 60°. Tinh khoang cach d tir
diém B, dén mat phang (AlBD) theo a.

A d:@. B d:%. C d:#. D d:%.
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Cau 13. Cho lang tru ding ABCA’B'C’ ¢6 AC =a,BC =2a, ACB =120°. Duong thang
A’C tao véi mat phang (ABB’A’) goc 30”. Goi M la trung diém cua BB’. Tinh khoang
cach d gitra hai duong thang AM va CC’ theo a.

A.d:&. B.d="7. C.i="3, D.d:a\/g.
21 3 7 7

Cau 14. Cho hinh chép S.ABCD c6 day la hinh vuong canh a, SD = a\/zﬁ hinh chi€u

vuong goc H ctia S 1én mat (ABCD) la trung diém ctia doan AB. Goi K la trung diém
caa AD. Tinh khoang cach 4 gitta hai dwong SD va HK theo a.

A d=2 B.dz#. c.d=“521. D.d:%.

Cau 15. Cho hinh chop S.ABCD c¢6 day ABCD la hinh chit nhat, AB=a, canh bén SA
vudng goc voi day va SA = a3 . Tinh khoang cach d tir diém A dén mit phang (SBC).

A.d:@. B.d=aV2. C.d=a3. D.d=a.
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Cau 16. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng va tam giac SAB la tam
giac can tai dinh S. Goc gitta duong thang SA va mit phang day bang 45°, goc gitta mat
phang (SAB) va mat phang ddy bang 60°. Tinh thé tich V cta khéi chép S.ABCD, biét
rang khoang céch gitta hai duong thang CD va SA bang a6 .

84°\/3 453 243 a3

A V= . B. V= . C.V= . D. V= .
3 3 3 3

Cau 17. Cho hinh chép S.ABCD c6 day ABCD la hinh ch@ nhat, AB=a,BC =2a, canh
bén SA vudng gbc voi ddy va SA = a3 . Tinh khoang cach d tit A dén mit phang
(SBD).

A d="5 B d=@. c»z:ﬁ. D.d=a3

Cau 18. Cho hinh chop S.ABCD c6 day ABCD la hinh thoi canh a, D = 60° va SA
3

vudng goc voi (ABCD) . Biét thé tich cta khdi chép S.ABCD bang %. Tinh khoang cach
d tir A dén mit phang (SBC).
3a 3

2a 2
A d=—F%. B.d=a,|-. C.d=—. D.d=ua]%.
J5 5 V5 3
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Cau 19. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuong canh a. Hinh chiéu vuong
goc ctia S lén mat phrfmg (ABCD) la difm H thudc canh AB sao cho HB=2HA. Canh

SC tao v6i mit phang day (ABCD) mot goc bang 60°. Tinh khoang cach d tir trung
diém K ctua HC dén mét phang (SCD).

A g m13 B.d=”413. C.d=a13. A

Cau 20. Cho hinh chdép S.ABCD c6 ddy ABCD la hinh vudng canh a, mat phing (SAB)
vudng goc voi mat phang (ABCD) va tam giac SAB déu. Tinh khoang cach d tir diém A
dén mit phang (SCD).

A d=221 B d:”‘/i. C.d:&. D d:&.
7 14 7 7

Cau 21. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuong, biét canh AC = a2,5A

3
vudng goc voi ddy ,thé tich khdi chop bang 2%. Tinh khoang cach 4 tt A dén mat

phang (SBD).

A d=2% B.d=2. C.a=22 O
3 3 3 2
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Cau 22. Cho hinh chop tir gidc déu S.ABCD c6 d¢ dai canh bén la 24, dién tich mat day
1a 44> . Tinh khoang c4ch d tit diém A dén (SBC).

Céu 23. Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh vudng canh g, hinh chiéu vuong
gbc cta S trén mat phéng (ABCD) la diém H thudc canh AB sao cho HB =2HA, canh

bén SC tao véi mit phang day (ABCD) mot goc bang 60°. Tinh khoang cach & tl trung
diém K ctia doan thing HC dén mat phang (sCD).

a\/ﬁ a\/B av'130

A h= . B. h= . C.h= . D. h=
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5B. THE TICH KHOI CHOP

THE TICH KHOI CHOP TAM GIAC

w Dang 62. Thé tich khdi chép cé day la tam giac

deéeu

Cau 1. Cho hinh chép tam gidc S. ABC c6 day ABC la tam giac déu canh a, canh bén SA
vudng gdc véi mat phang ddy va SA = 2a+/3 . Tinh thé tich V ctia khéi chép S.ABC.

3432 a’ 34
B

B.V="—. C.V="b, D. V =4d°.
2 2

A V=

Loi giai tham khao

1 a*/3 a’
V== 2043 =—.
g SNCTY

W

Cau 2. Cho khdi chép déu S. ABC c6 canh day bang a, canh bén bang 2a. Tinh thé tich
V' ctia khoi chép S. ABC.

3\/ﬁ a3\/§ P P
A. Vs ABC — 12 B. VS‘ABC :T' C. Vs ABC E D. VS.ABC :Z'
Loi giai tham khao
s a3 . a/33
ABC 4’ 3
211
= VSAABC = T

Cau 3. Khoi chop tam giac déu co canh day bang a va canh bén bang a~/3 . Tinh thé tich
V' ctia khoi chép da cho.

A.V—la3 B.V:\/Ea3 C.V=£u3. D.V=£u3.
3 6 6 2
Loi giai tham khao S
AABC déu canh a:>AM—u\/> AO_u\f
2 2

SOZ:SAZ—AOZ:SaZ—%:% A

1 2\2 1af 2 M
V=—— ————au=V=—-u.

3° 3 6 B
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Cau 4. Cho hinh chép S. ABC ¢6 day ABC la tam giac déu canh 4, canh bén SA vuong
goc v6i ddy. Biét rang, mit phing (SBC) tao v6i mat phang day mot goc 60°. Tinh thé
tich V cua khoi chop S. ABC.

3 3 3 3
”*/5. B.v=", C.V=a\/§. D.V:”@.
4 4 8 24

Loi giai tham khao

A V=

. . o s ~ 7 3a 3
Goi M la trung diém cta canh BC, khi d6 h =SA = AM. tan SMA = > =V= s

Cau 5. Khéi chdp S. ABC ¢6 day la tam giac déu canh a, canh SA =3a va SA vudng goc
v6i mit phang ddy (ABC). Tinh thé tich V ctia khdi chép S. ABC.

3243 A3 A3 A3

AV = . B. V= . C.V= . D. V= .
4 4 6 12
Loi giai tham khao
1 23
V=—Bh=§.SAABC.SA: 1
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= BAITAP TU LUYEN v

Cau 6. Cho hinh chdp S. ABC c6 tam giac ABC la tam giac déu canh a. Hinh chiéu cua
S trén mat phéng (ABC ) la trung di€m cta canh AB, goc tao boi canh SC va mat phéng
day (ABC) bang 30°. Tinh thé tich V ctia khdi chép S. ABC.

Cau 7. Cho hinh chép tam gidc déu c6 canh ddy bang a va SA = a2 . Tinh thé tich V cuia
khoi chop da cho.

Cau 8. Cho hinh choép S. ABC c¢6 day ABC la tam gidc déu canh a, hinh chiéu vuong goc
cua dinh S trén day la diém H trén canh AC sao cho AH :§AC, duong théng SB tao
vl mat phfmg ddy mot goc 45°. Tinh thé tich V' ctia khdi chép S. ABC.

3 3 3
A.V:a\/61—5. B. 221 ”‘/5.

= . C.V=
36
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Cau 9. Cho hinh chép tam gidc déu S. ABC c6 AB=a, SA =2a. Mot khoi tru ¢ mot day
la hinh tron noi ti€p tam gidc ABC, ddy con lai c6 tam la dinh S. Tinh thé tich V cua
khéi tru da cho.

7a’~33 7a’~33 C. Ve 7a’~\33 D. V< 7a’~\33

9 ) 27 ) 108 ’ 36

Cau 10. Cho hinh chép S. ABC c6 day ABC la tam giac déu canh a, hinh chi€u vuéng
goc cua dinh S trén day la diém Htrén canh AC sao cho AH =§AC, duong thang

SC tao v6i mat phang ddy mot gée 60°. Tinh thé tich V' cta khdi chép S. ABC.

3 3 3 3
A v="L B.v="L cv=L D.v=L
8 6 12 18

Cau 11. Cho hinh chép déu S. ABC c6 day ABC la tam gidc déu canh a, mdt bén tao voi
ddy mot goc 45°. Tinh thé tich V' ctia khoi chdp S. ABC.

3 3 3 3
Av=L B.v=2 cv-", D.v="2
1 24 4
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Cau 12. Cho hinh chép S. ABC 6 ddy ABC la tam gic déu canh a, SA L (ABC). Géc
gitta SB va mit day bang 60°. Tinh thé tich V ctia khdi chép S. ABC.

3 3 3 3
A V=% B.v=". cv="L. D. v =3¢
4 4 12 4

Cau 13. Cho hinh chép tam giac déu S. ABC c6 AB =4, canh bén SA tao véi ddy mot goc
60°. Mot hinh nén ¢6 dinh 1a S, ddy 1a hinh tron ngoai tiép tam gidc ABC . Tinh dién tich
xung quanh S ctia hinh nén da cho.

2 2
:47m - B. S :27m - . 7a . wa .
xq 3 xq 3 xq 6 xq 2

Céau 14. Cho hinh chép déu S. ABC. Nguoi ta tang canh ddy 1én gap 2 lan. D€ thé tich
gitt nguyén thi tan cua goc tao bdi canh bén va mat ddy phai giam di bao nhiéu lan?
A. 8 lan. B. 2 Tan. C. 3 lan. D. 4 Tan.
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Cau 15. Cho hinh chép S. ABC c6 day ABC la tam gidc déu canh 3a. SA vuodng goc véi
day, SA = %. Tinh thé tich V' ctia khoéi chop S. ABC.
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Céu 16. Cho hinh choép S. ABC c6 day ABC la tam gidc vudng tai B, AB=a, AC = a5,
mat bén SBC la tam gidc déu va nam trong midt phang vudng géc véi ddy. Tinh thé tich

V ctia khoi chép S. ABC.
3 3 3 3
”f. B.V:‘“éﬁ. C.V=”f. D.V=”f.

A V=

Loi giai tham khao
Goi H la trung diém ctia canh BC.
BC a3
2 3

Tinh dugc sH-BCB_ Fy_

Cau 17. Cho hinh chép S. ABC c¢6 day ABC la tam giac vuong can tai B, AB=a,5A
vudng goéc véi mit phang (ABC ), gbc gitta hai mit phang (SBC ) va (ABC ) bang 30°.
Goi M 1a trung diém ctia canh SC . Tinh thé tich V' ctia khéi chép S.ABM .

3 3 3 3
A.V:“ﬁ. B.V:“*@. C.V:”ﬁ. D.V:”@.
12 18 24 36

Loi giai tham khao
2
a

Dién tich day: S = >

Chiéu cao: h = R V.

S.ABC — 18
% _ Vs asc _ ’13\/5

Cau 18. Cho hinh chop S. ABC c6 day ABC la tam gidc vudng can tai A, AB = a, canh bén
SA vudng goc voi day va SA =2a. Tinh ban kinh R cua mat cau ngoai ti€p hinh chop

S.ABC.
A. R=a6. B.Rz#. C.R=3uf. D.Rz#.

Loi giai tham khao
Goi diém M la trung diém caa BC.Tu M, ké truc d, ctia duong
tron ngoai tiép tam giac ABC.
Trong mt phang(SA, d, ), ké trung truc d, ctia canh bén SA .
Khi d6 d, nd, ={I} la tam cua duwong tron ngoai ti€p hinh chép

S.ABC.

2 2
Tacé R=IA=+IM* + MA* = 52 +B$ =af.
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Cau 19. Cho hinh chép S. ABC c6 day ABC la tam giac vudng can dinh C, canh goc
vudng bing a. M3t phang (SAB) vuong gbc véi day. Biét dién tich tam gidc SAB bang
2

%. Tinh chiéu cao ctia hinh chép da cho.

A a. B.%. C.a\2. D. 2a.
2
Loi giai tham khao
2 2
AB=azs, T ™2SH @ o
2 2 2 2

Céau 20. Cho hinh chép S.ABC c6 day ABC la tam giac vuong can tai A, canh
BC = a2, canh bén SA vudng gbéc véi mit phang day; mat bén (SBC ) tao voi mat day
(ABC) mét géc bang 45°. Tinh thé tich V' ctia khéi chop S. ABC.

3\/5 a3\/§ _a3\/§ v _El3\/§
6 . 2 . _T. .

B. V. S.ABC _T

S.ABC —

A.V

S.ABC —

Loi giai tham khao S
*Ta c6: AB =ay/3,(SBC)n(ABC)=BC
Goi M la trung diém BC
AM 1 BC (vi AABC cantai A)
SM 1 BC (vi AM =hc SM) A

(ABC)

N m) — (SM,AM) — SMA = 45"

* AABC vudng can tai A c6, BC =av2 = AB=BC =a va AM =222

1

=S 2ABAC—

AABC

1
2

* ASAM vudng tai A c6 AM = 5° = SA = AB.tan45° = 2

w2 5
2

*V 15

S.ABC — 5 "2 ABC
3

SA =

a2 _a
2

1a a
372
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= BAITAP TU LUYEN v

Cau 21. Cho hinh chép S. ABC c¢6 ddy la tam gidc vudng tai A, AB= a3, AC = a. Mt

bén SBC la tam giac déu va vudng goc véi mat day. Tinh thé tich V caa khéi chop
S. ABC.

3 3
A V=2 B.v=" cv=2% D.v=%L
3 3 2

Cau 22. Cho hinh chép S.ABC c6 day ABC la tam gidc vudng tai B biét
AB=a; AC=2a. SA L (ABC) va SA=ay/3. Tinh thé tich V cua khdi chép S. ABC.

3 3 3 3
A V=% BV=%. c.v:% DVv_-%

Cau 23. Cho khéi chép S. ABC c6 day la tam giac vudng tai B. Canh SA vudng goc voi

day, goc ACB = 60°, BC=a va SA=a+3. Goi M la trung diém ctia canh SB. Tinh thé
tich V cta khéi t¢ dién MABC.
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Cau 24. Cho hinh chop S. ABC c6 day ABC la tam gidc vudong can tai A, AB=a, mat
bén SBC la tam gidc vudng can tai S va nam trong mét phang vudng O . Tinh thé tich V
cua khoi chdp S. ABC.

Cau 25. Cho hinh chop S. ABC c6 day ABC la tam gidc vuong tai A, AB=a, AC = a2,
SA vudng goc véi mat phang ddy. Goc tao boi (SBC ) va mit day bang 30°. Tinh thé tich

V ctia khoi chép S. ABC.

3 3 3 3
”ﬁ. B.”ﬁ. D.”ﬁ.
4 6 2

Cau 26. Cho hinh chép S. ABC c6 ddy ABC la tam gidc vudng can tai A, AB=a. Canh
bén SA vuong goc véi ddy va SA=2a. Goi M,N,P lan luot la trung diém cac canh
BC, CD, DB. Tinh thé'tich V cua khoi chop S

MNP *
34° a’ a’
A.V==¢ B.V=—. C.V=— D.V=—.
4 12
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Cau 27. Cho hinh chép S. ABC c6 day ABC la tam giadc vuong tai B, AB =4, BC = 2a, canh
SA L (ABC) va SA=a. Goi M,N lan luot la hinh chiéu vudng géc caa A trén SB,SC.
Tinh thé tich V ctia khoi chop S.AMN.

a’ 5 23 a’

Cau 28. Cho hinh chop S. ABC c6 day ABC la tam gidc vuong tai B, AB=4a, BC= a3,
SA vudng goc véi mat phiang day. Biét goc gitta SC va (ABC) bang 60° . Tinh thé tich V
cua khéi chép S. ABC.

A. 3a°. B. i*\/3 . C. a. D. )
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C4u 29. Tinh thé tich V cuta khoi tir dién déu canh a.

3 3 3 3
A.V:\/fzu. B.V:‘E”. C.V=3‘E”. \/5“.

Loi giai tham khao

Goi M la trung diém ctia BC, H 1a trong tam
AABC = SH 1 (ABC).

2
AH:E&:i SH =+SA? — AH? =4/a2—%=—

3 2

1 1\/_aa2\/_ \/_a

SH.S

S.ABC— 5 ABC =3 \/— 12

Vv

C4u 30. Tinh thé tich V cutia khoi tir dién déu canh a\/g :

3 3 3 3
“f. B.V:“f. C.V:3a8\5. ”f.

AV =

Loi giai tham khao
2
Dién tich ddy : S = > 4*/5 .

Chiéu cao: h = ax/i

Thé tich: V ——Sh—

= Dang 65. Thé tich khdi chép c6 day la tam giac

thuong

Céu 31. Cho hinh chép S. ABC 6 SA=SB=SC=a, ASB = CSB = 60", ASC = 90". Tinh
thé tich V' cua khai chop S. ABC.
a*\6 a3
e

3 3
A.V:”\/E. B.V:”\E. C.V-= D. V= .
12 4 12

Loi giai tham khao
Tinh duoc AB = BC =a, AC =av2 = AABC vuong tai B= Trung diém H cua AC la

tam duong tron ngoai ti€p AABC = SH L (ABC) = SH = %.
3
Khi d6, V = %.SH.SMBC E %
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Céu 32. Cho hinh chép S. ABC c6 ASB = CSB = 60", ASC = 90", SA=SB =g, SC =3a.

Tinh thé tich V ctia khoéi chop S. ABC.

2’6 a2 a2 D V_a3«/g
= — .

AV = B. V= . V=
12 18

C.V=

Loi giai tham khao
Goi M 1a diém trén doan SC sao cho SC =3SM .
Tinh dwoc AB=BM =a, AM =av2, suy ra AABM vuong tai B, suy ra trung diém H
cua AM la tam duong tron ngoai ti€p AABM . Suy ra SH L (ABM).

1 2
Khl dO VSABM _ESH'SABM :T.
14 3
Suy ra =48 :1:> Ve ane =3V aau _aNs \/E
S.ABC 3 . . 4

Cau 33. Cho hinh chép S. ABC c6 SA =SB =S5C =a va d6i mot vuong goc voi nhau. Tinh
khoang cach d tir S dén mit phang (ABC )

a a a a
A d=—. B.d=—. C.d=—. D.d=—.
¥ 5 2 E
Loi giai tham khao A
1 1 1 1 3 a
==+t +t—;=-=>SH=—F.
SH?> SA* SB* SC? g NE)
P c
B

Cau 34. Cho tir dién ABCD c6 cac canh AB, AC va AD d6i mot vudng goc voi nhau;
AB=a\3, AC=2a va AD=2a. Goi H, K Ian luot 1a hinh chidu ctia A trén DB, DC.
Tinh thé tich V cta cuia t¢ dién AHKD.

A. V=—4\/§u3. B. V=—4\/§u3. C. V=—2\/§a3. D. V:—z\/gaS.
21 7 21 7
Loi giai tham khao

Ta co:
Voux SA SK DH 1 DHDB 1  AD?
Vi asc "SA'SC'DB 2 DB 2 AD? + AB?

1 4@ 2

2 44" +3a> 7
3
V, e = SDAS,,. = ~2a —2 a3 =2 ‘/—
‘ 3 3
4a3\/—

Suy ra VAHKD = VDAAHK = Y
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Cau 35. Hinh chdp S.ABC o6 SA=3a va SA L(ABC), AB=BC=2a, ABC =120".
Tinh thé tich V cua khai chop S. ABC.

A. V=03, B. V =34°3. C.V =223, D. V =6a°3.
Loi giai tham khao

1

S > AB.BC.sin B = a*/3

ABC —

Vo =S
3

S.ABC —

SA=a+3.

ABC

= BAITAP TU LUYEN v

Céau 36. Cho tt dién ABCD c6 AB= u\/E,AC =AD =a,BC = BD =a,CD = a. Tinh thé tich
V cta khoi t dién ABCD.

Cau 37. Cho tir diéen ABCD ¢6 AB=2,AC=3,AD=BC=4,BD = 2\/5, CD =5. Tinh thé
tich V cua tir dién ABCD.

AV=@ B.V:@ C. V=+15. D. V=315
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Cau 38. Cho khoi tit dién S. ABC voi SA,SB,SC vuong goc ting d6i mot va SA=a,
SB=2a, SC=3a. Goi M,N Ian luot la trung diém cua hai canh AC, BC. Tinh thé tich
cua khoi t¢ dién SCMN .

3 3 3
A V=2 B. V =a°. cvz% DV:HZ.

Cau 39. Cho t& dién ABCD c6 cac canh BA, BC, BD d6i mot vuong goc véi nhau. Cho
biét BA =3a, BC =BD =2a. Goi M va N Ian lwgt 1a trung diém cua AB va AD. Tinh thé
tich V cua khdi chéop C.BDNM.

A. V=84, B.Vz?. C.V=—7m. D.V=a.

CAu 40. Cho hinh chép tam gidc c6 duong cao bang 100 cm va cac canh ddy bang 20 cm,
21 cm, 29 cm. Tinh thé tich V' ctia khoi chop da cho.

A. V =6000cm’. B. V=6213cm’. C. V =7000cm®. D.V =70002cn.
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Cau 41. Cho hinh chép S. ABC ¢6 M, N Ian luot la trung di€ém ctia SA va SB. Tinh ti s6

A Ly V
thé tich —=MNC |

S.ABC
A. Vs une _ 1 B. Voaune _ 1 C. Vs v _ 1 D. Vs une _l.
Vs.anc Vs.anc Ve 4 Ve 8
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Cau 42. Cho hinh chép S.ABCD ¢6 ABCD la hinh binh hanh, M 1a trung diém SC . Mat
phang (P) qua AM va song song v6i BD cdt SB, SD lan luot tai P va Q. Tinh ti s thé

VSAPMQ

tich t =
SABCD

A.t:—. B.t:
9 8

N
| =

C.tzl. D.t:%.
3 3

Loi giai tham khao
Vi mp song song vdi BD nén PQ song song vdi BD . Goi O la tamhinh binh hanh
ABCD.
Suy luan duwoc SO, AM, PQ déng qui tai G va G la trong tam tam giac SAC.

Suy luan duoc ti s6 SQ_SP_ E;
SD SB 3
v 1%
Chimg minh duroc  s6 the tich ; ~424 — Ysaw _ 1,
SADC VSABC 3
Suy ra duoc: Vagu * Voarm 1 =>t= M = l
VotV 3 1% 3

SADC SABC SABCD

Cau 43. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M, N lan luot la trung
diém cta canh SA,SC. Mat phéng (BMN ) cit canh SD tai diém P. Tinh ti s8 thé tich
%

t = S.BMPN .
VSAABCD
A=t B.t=—. Ct=1, D.t=1.
8 12 6 16

Loi giai tham khao
Goi O 1a giao diém cua hai duwong chéo ctia hinh binh hanh ABCD .
Goi I la giao di€ém ctia BP va MN.

Khide 2 BOPD_, PD_,_ SP_1
IO BD PS PS S 3
Vs aven = Vs + Veame -
\% \%
Tinh duge >4 = 1’ SMNE = l = Vs e = 1VSAABCD .
sasc ¥ Viuep 12 6
1
Suyrat=—.
YTy
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Cau 44. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi M la trung diém

2 A 2 Vé 2 ~ A? 7 V
cua canh SA, mat phiang (BCM) cat canh SD tai diém N . Tinh ti sO thé tich = —2£M

$.ABCD
At=2 B.t——. Ct=2, D.t-1.
4 4 8 8
Loi giai tham khao
Vosenm = Ve T Vsme
V. 17V 1 3

= VS‘MBC = a’ VS.MNC === Vspom = gVSAABCD‘

S.ABC S.ADC

3
Suyra t=—.
y 3

Cau 45. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh, M, N Ian luot la trung

2 2 \ 7 2 ~ A? 7 V
diém ctia SA va SB. Tinh ti sO thé tich t = —=MNCD

S.ABCD
A t=3. B.t=3 ct=L. D.t=2
4 8 8 3
Loi giai tham khao
AM 1 1 1
—SMD T~ -V ==V ==V 1
V. v SA 2 smcp ~ o Vs.acD T 4 ¥ s.aBCD ( )
VS wve  SOM SN 1 1 1
MNC T T o =—V. . ==V (2
VS.ABC SA SB 4 S.MNC 4 S.ABC 8 S.ABCD )
\ . 3
Tu (1) va (2) suy ra VS.MNCD = VSAMCD + VS.MNC = gVS.ABCD‘

Cau 46. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Tinh ti sO thé tich
1%

t = S.ABD

v

S.ABCD

A . t=1. B.t=

N | —
N\ |-
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Céu 47. Cho hinh chép S.ABCD c6 ddy ABCD la thoi canh a véi BAD = 120°. Hinh
chiéu vudng gbc ctia S 1én mat phang (ABCD) trung voi trung diém I cta canh AB.

Canh bén SD hogp vdi ddy mot géc 45°. Tinh thé tich V' caa khéi chép S.ABCD.

3 3 3 3
Ay -T2 B v -T2 O L LU Ty
15 12 9 3
Loi giai tham khao
2
Dién tich day: S =2 f
a\/; 711

Chiéu cao: h = — ID* = AI* + AD* —2.AI.AD.cos120° =

Chu 48. Cho hinh chép S.ABCD c6 ddy ABCD I hinh thoi, BAD = 120°, BD = a. Hai
mat phang (SAB) va (SAD) cung vudng goc voi day. Goc gitra (SBC ) va mit day bang
60° . Tinh thé tich V ctia kh&i chép S.ABCD.

3 3 3
A.V:z*/E“. B.vV=2L CV—J—“ DV—@“.

12 12

Loi giai tham khao
(SAB) L (ABCD),(SAD) L (ABCD)= SA 1 (ABCD)
Tac BAD =120° = ABC =60° = AABC déu

J‘

Vi AM 1 BC,SA 1 BC = gbc giira (SBC) va (ABC) bang

Goi M la trung diém ctia BC = AM 1 BC, AM =

SMA = SMA = 60"

SAzAMtan60°:§.\/—:_
1% _lopg 134 2”2‘6:‘/5”3
S.ABCD™ 3 "2ABCD T 3o 1 1

Cau 49. Cho hinh chép S.ABCD c6 thé tich bang 48, ddy ABCD hinh thoi. Cac diém
M, N, P, Q Tan lwot thudc SA, SB, SC, SD thoa: SA =2SM, SB =3SN,
SC =4SP, SD =5SQ. Tinh thé tich V cua khéi chép S.MNPQ.

A v=2 B. V=2, cv==2 D.v=2
5 5 5 5
Loi giai tham khao
1 1 1 1 8
Voune = by Veascr Vsurg = 40 Vesco = Vomrg = £-24 + 4—0.24 = =
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= Dang 68. Thé tich khdi chdp c6 day la hinh chir
nhat

Cau 50. Cho hinh chop tt gidc S.ABCD co ddy ABCD la hinh chit nhat canh
AB =3a; AC =54, canh bén SA vudng goéc véi mit phang day va SA = ax2 . Tinh thé tich
V' ctia khoi chép S.ABCD.

A. V =154°2. B. V =124°2. C. V=a2. D. V =442°/2.
Loi giai tham khao
Tinh AD =4a=S,,., =124%; SA=a\2 4 D
_ %SA,SABCD = %12(12.(1\/5 — 432 3a Sa
B c

Céu 51. Cho hinh chép S.ABCD c6 ddy ABCD la hinh chit nhat, AB =24, AD =a. Hinh
chiéu vudng goc ctuia S 1én (ABCD) la trung diém ctia canh AB, SC tao voi mat day mot

gdc 45° . Tinh thé tich V' ctia khdi chép S.ACD.

NOYE 3z V242 2a°
3 . A )

A V= B. V= C.V=

Loi giai tham khao
Goi H 1a trung diém ctia AB= SH L (ABC) .
Suy ra goc gitta SC va (ABCD) bang SCH = SCH = 45"
— ASCH vubng can tai H = SH =CH =a* +a® =a\2

e

3

Vv

1
S.ACD— ESH‘SACD = a\/— _a 2a

Cau 52. Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat tam O, AB=a,
AD =304/3 va BC =24, hinh chiéu vudng gbc cua dinh S trén mat ddy la trung diém H
cia OA. Biét rang mat phang (SBC) tao véi mét phang ddy mot goc 60°. Tinh thé tich V
cua khoi chép da cho.

3 3
AV =a3. B.V=a\2/ﬁ. C.V=a15. D.V=a\/§.

2

Loi giai tham khao
Goi K la diém trén canh BC sao cho

BKz%:HK:%:SHzHK.tanS/KE: 303

3
;>

Tinh duoc V =
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Cau 53. Cho hinh chép ti gidc S.ABCD c6 ddy ABCD la hinh ch@® nhat c¢6 canh
AB =4a,BC =2a, canh bén SA vudng goc véi mit phang day va SA = av/3 . Tinh thé tich
V' cta khoi chép S.ABCD.
3 3 3
203 By _ony3. v p iy 43
3 6 3
Loi giai tham khao
3

V= %a.ax/gQa = 2”3\/5 .

AV =

Cau 54. Cho hinh chop S.ABCD c6 ddy ABCD la hinh chit nhat tam O, AB=a, BC =2a,
hinh chiéu vudng géc ctia dinh S trén mat ddy la trung diém H ctia OA. Biét rang
duong thing SA tao véi mat phang ddy mot goc 45°. Tinh thé tich V ctia khdi chép

S.ABCD.
3 3 3 3
A v="L B.V:Zﬂﬁ. C.V:”ﬁ. D.v=%.
6 B 6 3
Loi giai tham khao
3
h=SH=AH=ATC=§:>V=af.

Cau 55. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat biét SA vuong goéc voi
mat phang day, AB=a, AD =av2, canh SC tao véi ddy mot gbc bang 45°. Tinh thé tich
V' ctia khoi chép S.ABCD.

a°\6 24°

A V=06, B.V = o C.V:Y. D. V=4,

Loi giai tham khao

v=lg 5A=%a3\£.

ABCD*
3

Cau 56. Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh cht nhat, CD =2a; AD =a;
SA L (ABCD) va SA =3a. Tinh thé tich V cua khéi chép S.ABCD.

A V=2 B. V=24 C.V=6a. D. V =44°.
Loi giai tham khao
S,yep = ADCD =22%V, . = %SA.SABCD - %.301.2012 =20,
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Cau 57. Hinh chép S.ABCD c6 day la hinh vuong canh a, SA vudng goc vdi day, SC tao
v6i ddy mot goc bang 45°. Tinh thé tich V ctia khdi chép S.ABCD.
2

3 3
”ﬁ. ”ﬁ. C.V=d2. D. V= .

B. V=
3 6 2

A V=

Loi giai tham khao
1 a2

Ssep =0, SA=AC =2, Vi anco =5 Sasco SA=—

ABCD

Cau 58. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuong canh a, SA vudng goc voi
day va SB = J3 . Tinh thé tich V ctia khéi chép S.ABCD.

3 3 3
A.V:“f. B.V =a’\2. C.V:a;/E. D.V:uf.

Loi giai tham khao g
Dién tich ddy: S=a’
Chidu cao: h =av2
a2

3

Thé tich: V =

B

Céu 59. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng, canh bén SA vudng goc
véi mit phang day va SA = AC = av2. Tinh thé tich V ctia khdi chép S.ABCD.

3 3 3 3

“f. B.V:af. C.V:”f. D.V:”f.

AV =

Loi giai tham khao
Tacd: SA=AC=a2
* ABCD la hinh vuéng: AC = AB~2 = AB=2==g;

S — 2%, SA=a2

ABCD
3
*y g salpa 2:“"5.

S.ABCD — ABCD* a.a.
3 3 3

Cau 60. Cho khoi chép S.ABCD c6 day ABCD la hinh vudng canh a, mdt bén S4B la
tam gidc déu va ndm trong mit phang vudng goc véi mit phang day. Goi M la trung
diém ctia canh SB. Tinh thé tich V' cta khoi chép S.ACM.

23 23 a’ 23

A V= : B. V= CV=—. D. V= .
24 6 24 12
Loi giai tham khao
VS‘ACM _ l V=V — ag\/—i
V 9 S.ACM 24 °
S.ABC
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Cau 61. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a. Biét SA L (ABCD)
va SA =a\/3. Tinh thé tich V ctia khéi chép S.ABCD.

3 3 3
A.V:‘“@. B.vV=2. C. V = a®\3. D.V:”*@.

3 4 12

Loi giai tham khao

a3 o8

3

1 1
VS.ABCD = ESABCD -SA = gaz .a\/_ =

Cau 62. Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, mat bén S4B la
tam gidc can tai S va nam trong mat phang vudng goc véi ddy. Biét rang, goc gitta mat
phang (SCD) va mit phang ddy bang 60°. Tinh thé tich V ctia khéi chép S.ABCD.
av-TYs gy o3 cv-B  py @5
6 6 3 3
Loi giai tham khao

Goi H, K lan luot la trung diém cua cac canh AB, CD.

3
3

Khidé h=SH = HK tan Z/SKH = atan60° = ay/3 = V =
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= BAITAP TU LUYEN v

Céu 63. Cho khéi chép S.ABCD c¢6 ABCD 1a hinh vudng canh 3a. Tam gidc SAB can tai S
va nam trong mit phang vudng goc véi day. Tinh thé tich V ctia khdi chép S.ABCD biét
goc gitta SC va (ABCD) bang 60°.

AV, oop =188°\3 . BV, o = C.V, op =9a°3 . D. V, .. =184°\/15.

9415
—

Cau 64. Cho hinh chép S.ABCD c6 canh day ABCD la hinh vuong tdm O canh béang a,
SA vudng géc véi (ABCD) va SA = 3a. Tinh thé tich V cia khdi chép S.ABCD.

A V=", B. V=24°. C.V =3a. D. V =4°.

Cau 65. Khoi chop tuf gidc S.ABCD co day ABCD la hinh vuong canh V2, tam giac
SAD cantai S va (SAD) vuong goc voi mdt day. Biét thé tich V' cua khoi chop la %as.

Tinh d = d(B,(SCD)).

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |HIR¥




Cau 66. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuong canh 2\/5 , canh bén SA
vudng goc voi ddy va SA = 3. Mit phang («) qua A va vudng gdéc véi SC cat cac canh
SB,SC,SD lan luot tai cac diém M, N, P. Tinh thé tich V cta khéi cau ngoai tiép t¢ dién
CMNP.

Cau 67. Cho hinh chépS.ABCD c6 day ABCD 1a hinh vuong canh a, mat bén(SAB) la tam

gidc can tai S va nam trong mit phang vudng géc véi day. Biét rang goc gitta mat
phing(SAD) va mit phang day bang 45°. Tinh thé tich V' ctia khdi chop S.ABCD.

Cau 68. Cho hinh chép S.ABCD c6 canh day ABCD la hinh vuong tam O canh béang a,
SA vudng gbc voi (ABCD) va SA=2a.Goi I la trung diém ctia SC va M la trung diém
cua DC'. Tinh thétich V cta khoi chép I.OBM.
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Cau 69. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng canh 4, hai mat bén (SAB)
va (SAD) cung vudng gbc véi mit phang day. Biét goc gitta (SCD) va (ABCD) bang

45" . Goi H va K Ian luot 1a trung diém ctia SC va SD. Tinh thé tich V ctia khéi chép
S.AHK .

3 3 3
Av=L, B.vV=2" cv=%. D.V =a.
24 12 6

Cau 70. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng canh 5. SA vudng goc
voi ddy SA = 2ay/2 . Tinh thé tich V ctia khéi chop S.ABCD.

3 3 3
A.V:lo‘“ﬁ. B.V:‘“E. C.V =5a°2. D.sz‘“/E

Cau 71. Khoi chép déu S.ABCD cé mat day la hinh nao dwéi day?
A. Hinh binh hanh. B. Hinh ch@tnhat.  C. Hinh thoi. D. Hinh vudng.

Cau 72. Néu mot hinh chép t gidc déu c6 chiéu cao va canh day cung tang 1én n lan thi
thé tich cua n6 tang 1én bao nhiéu lan?

A. n* Tan. B. 2#* lan. C. n® Tan. D. 27° lan.
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Cau 73. Cho (H) 1a khéi chop ti gidc déu c6 ddy la hinh vudng canh bang a, mit bén tao
v6i ddy mot goc 60°. Tinh thé tich V' cta khéi chép da cho.
Av=1p B.V:%a?’. C.Vzﬁa?’. D.Vzﬁa?’.

Loi giai tham khao
ABCD hinh vuéng canh a = MO :%
Goc tao boi mit bén (SCD) va (ABCD) 1a géc SMO

tan60° =22 = 50 = tan 60°.MO = /3.2 - @3
MO 2 2

1 1ay3 23
V:§SO'SABCD:V:§ > ﬂzz 6 .

Cau 74. Cho (H) la kh&i chép it gide déu co tét ca cac canh bang 24 . Tinh thé tich V ctia
khoi chop da cho.

42

AV =424°. B.V:Ta3. C.V:%rﬁ D.V=§a3.

ABCD hinh vuéng canh 21 = AC =232 = AO = a2

SO* =SA? — AO* = (2a) —(a\/E)Z =20 >S50 =a\2 =V 2%(2a)2.ax/_=¥a3.

w BAI TAP TU LUYEN v

Cau 75. Cho (H) 1a khéi chdp t gide déu cd tat ca cac canh bang a. Tinh thé tich V cua

khéi chép da cho.

Cau 76. Cho hinh chdp tt gidc déu S.ABCD c6 canh ddy bang 2a, goc gitta mat bén va
mat ddy bang 60°. Tinh thé tich V ctia khéi chép S.ABCD la:
3 3 3
“g@. B.V=4u3\@. C.sza?:/g.

A V=

D. V =4a°3.
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Cau 77. Cho hinh chép t& gidc déu S.ABCD c6 AB =a, mét bén tao véi ddy mot goc 45°.
Mot khoi non ¢6 dinh la S, ddy la hinh tron ngoai tiép hinh vuéng ABCD. Tinh thé tich
V cta khoi non da cho.

3 3 3 3
A.V:’”’*E B.vV="% C.V:W\E. v
12 3 3 12

Cau 78. Cho (H ) 1a khéi chép ti gidc déu co ddy 1a hinh vudng canh bang a, canh bén
tao v6i ddy mot goc 60°. Tinh thé tich V' ctia khdi chép da cho.

i, 5,
By,

AV ==y, B.V=?ll. C.V=
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5C. Thé'tich khoi ling tru

5C. THE TICH KHOI LANG TRU

THE TICH KHOI LANG TRU TAM GIAC

Cau 1. Tinh thé tich V ctia khdi lang tru tam gidc déu co tat ca cic canh bang a.

3 3 3 3
”*/5. B.V:”‘/g. C.V=a\/§. D.v=2
4 5 2 3

A V=

Loi giai tham khao

Dién tich day: S =

23
L

Chiéu cao: h=a.
23

4

Thé tich: V =

Cau 2. Cho lang tru tam gidc ABC.A’B’'C’, ddy ABC la tam giac déu canh a, hinh chiéu
vudng géc H ctia A’ trén mat phang (ABC ) trung voi truc tam cua tam giac ABC . Tat
ca cac canh bén déu tao véi mat phang day goc 60°. Tinh thé tich V caa khdi lang tru
ABC.A’B'C’.

a3

3 23
4 6 2

D. Mot két qua khac.

AV = : B. V= : CV=

Loi giai tham khao
Goi I la giao diém caa AH va BC. Theo gia thiét H la
triee tam cda tam giac d¢ ABC nén AH la duong cao va
H ciing 14 trong tam ctia tam giac déu ABC

2 2a\/§_a\/§

Nén AH=2A]=258°2 N2
3 32 3

e

Do AH' L (ABC) nén A'AH =60" va A'H 1 AH

Trong tam gidc vuong HA’A c6 AH'= AH.tan 60° = %ﬁ =q

Theé tich ctia kh&i chép Vi, g =S pe- AH = %a@a = %aﬂﬁ .
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5C. Thé'tich khoi ling tru

Cau 3. Cho hinh lang tru dting ABC.A'B'C’ c6 ddy ABC la tam gidc déu canh bang a va
(4'BC) hop véi mit ddy ABC mot goc 30°. Tinh thé tich V ctua khéi lang tru
ABC.A'B'C'".
3 3 3 3
Ay=? J3 3 3a _a J5 .

. B. V= . C.V=—-. D. V=
12 24 24 24

Loi giai tham khao
Goi M 1a trung diém ctia canh BC.Tacd SA L (ABC ) = AM

A’ C’
la hinh chiéu vudng goc ctia A'M trén (ABC ), nén N\
B e — . — \\ AN B!
(4'BC),(ABC) bang géc A’ MA=30°
Xét AA'MAvuéng tai A. Taco \\\
A'A=AM.tan A’ MA = i .tan 30° =% h
2
S:l a\/g.u:ﬂ\/g 457D
2 4
1 123 a 3
Vay A" ABC 3'SAABC AA_E 1 .E= 24 .

Cau 4. Cho hinh lang tru tam gidc déu ABC. A’B'C’ c¢6 AB=a, gbc gitta hai mt phang
(A’BC) va (ABC) bang 60°. Tinh thé tich V cta khdi lang tru da cho.
ﬁué‘. B.V=—"o". C.V:ﬁas. V=
8 8 4 4
Loi giai tham khao
2
S e = #. Goi M 1a trung diém ctia BC = AMA' = 60°

(

A V=

AM =3 A4’ = AM.tan60" = 2%
, 3f
VABC.A’B’C’ = SABC AA" =
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5C. Thé'tich khoi ling tru

= BAITAP TU LUYEN v

Cau 5. Cho hinh lang tru ABC. A’B’C’ ¢6 day la tam giac déu canh a. Hinh chiéu cua A’
trén mat phang (ABC ) 1a trung diém H cua canh BC, AA'= a7 . Tinh thé tich V cua
khoi lang tru da cho.

5343 5343 5343 V32

A V= . B. V= . C.V= . D. V= .
24 6 8 8

Cau 6. Cho lang tru ding ABC. A’B'C’" ¢6 ddy ABC la tam giac déu, cac mat bén déu la
hinh vudng. Biét rang mat cau ngoai tiép lang tru ABC. A’B'C’ c6 dién tich bang 217 .
Tinh thé tich V cua khéi lang tru ABC. A’'B'C’.

A.V =18. B. V=

Cau 7. Cho liang tru dtng ABC. A’B'C’ ¢6 day la cac tam giac déu canh bang 1,
AA'=+/3. Tinh khoang cach d tir diém A dén mit phang (A’BC)
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5C. Thé'tich khoi ling tru

Cau 8. Cho lang tru co day la tam giac déu canh a. Hinh chiéu vudng goc cua dinh A
trén (ABC )Ia‘ trung diém AB, goc gitta AC va mat day bang 60°. Tinh khoang cach d
tu B dén (ACC'A").

A.d=3\/ﬁa. B.d:m”. c.dzzm”. D.d=4\/ﬁa.
13 13 13 13

Cau 9. Cho hinh lang tru dung ABC. A’'B'C’ ¢6 day ABC la tam giac déu canh a. Goc
gitta CA' va mit (AA'B'B) bang 30°. Goi d(AI’, AC) la khoang cach gitta A'I va AC,
tinh d (AI ", AC ) theo a vdi I la trung diém AB la

2a+/210 3a+/210

A d . B. 4= 210 C.d= . D.d= .
70 35 35 35

Cau 10. Cho hinh lang tru tam giac déu ABC. A’B'C’ c6 mit phang (ABC ’) tao vdi day
mot gée 60°, dién tich tam gide ABC' bing 24+/3 (cm2 ) Tinh thé tich V cua khéi lang tru
ABC. A’B'C’.

A. V =724cm’. B. 345cm’. C. V=216cm>.  D.V =820cm’.
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5C. Thé'tich khoi ling tru

Cau 11. Cho hinh lang tru ding ABC. A’B'C’ ¢ day ABC la tam giac déu canh bang a.
Mat bén ABB'A’ c¢6 dién tich béng 23 . Goi M, N lan luwot la trung diém cua
A'B, A'C. Tinh ti sO thé tich ctia hai khoi chop A"AMN va A'.ABC.

A. V. aun :l. B. V oy aun :l. C. V oy aun :l. D. V iy aun :1.
Viasc 2 Viac 3 Viasc 4 Viase O

Cau 12. Cho lang tru déng ABC. A’B'C’ ¢6 day ABC la tam gidc déu canh a, AA'=2a.
Goi I la trung diém CC’ va ¢ la goc gitta (A’BI)Vé (ABC). Tinh cos¢.

A. cosq):%. B. cosp=—. C. cosgo:%. D. Cosq):\/g.

Cau 13. Cho hinh lang tru ABC. A’B'C’ ¢6 ddy ABC la tam giac déu canh a, hinh chiéu
cua C’ trén (ABC ) 1a trung diém I cua BC. Géc gilta AA” va BC la 30°. Tinh thé tich
V cta khoilang tru ABC. A'B'C’.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |HES




5C. Thé'tich khoi ling tru

Cau 14. Cho lang tru tam gidc déu ABC. A’B'C’ ¢ canh day bang a va canh bén bang
av3 . Tinh thé tich V cua khdi lang tru ABC. A’'B'C’.

3 3 3 3
Av=L B. V=% cv=%L D. V=%
4 8 8 4

Cau 15. Cho hinh lang tru ABC. A’B’C’ ¢6 ddy ABC la tam giac déu canh a. Hinh chiéu
vuong goc cua A’ xudng (ABC) la trung diém ctia AB. Mdt bén (ACC’A’) tao voi day
goc 45°. Tinh thé tich V cta khéi ling tru da cho.

3a’ PANE)

AV =—o. B. V= . . . .
16 3 3 16
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5C. Thé'tich khoi ling tru

Cau 16. Cho lang tru ding ABC. A’B'C’ c6 ddy ABC la tam giac vuong, AB=AC =g,
canh bén AA'= avJ2. Tinh thé tich V ctia khéi lang tru ABC. A’B'C’.

3 3 3
”ﬁ. B.V=a\/§. C.V=”ﬁ. D.V=a2.

A.V =
2 6 3
Loi giai tham khao
1 1
S,  ==—ABBC==4

ABC 2 2

, a2

VABC.A’B’C’ = SABC‘AA = 5

Cau 17. Day cua lang tru ding tam giac ABC. A’B’C’ la tam giac ABC vuong can tai A
¢6 canh BC = a\J2 va biét A'B=3a. Tinh thétich V cta khéi lang tru da cho.

A V=2 B. V=a’2. C. V=24 D. V=a3.
Loi giai tham khao
A C'  Chon ddp dn B.

V +) Tam gidc ABC vuong cantai A, BC=av2 nén AB=AC=a
+) AA'=VA'B* - AB* =242 =

14 —AA'S,, =2a\/§%a2 — 2.

A C ABC.A'B'C’

Cau 18. Cho hinh lang tru ABC. A’B’C” c6 day la tam giac vudng tai B, AB=a, BC =2a.
Hinh chiéu vuong goéc cia A' trén day ABC la trung di€m H cua canh AC, duong
thang A'B tao véi ddy mot géc 45°. Tinh thé tich V ctia khdi lang tru ABC. A’B'C’.

3 3 3
“\E. B.V:“*E. C.V:”ﬁ. D.V=a5.

A V=
5 B D
Loi giai tham khao
3
h:AH:HB:ATczgzﬂ/:af.
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5C. Thé'tich khoi ling tru

= BAITAP TU LUYEN v

Cau 19. Cho lang tru ding ABC. A’B’C’ c6 day la tam giac vuong tai A, AC =a, Duong
chéo BC’ cta mit bén (BCC’B’) tao v6i mit phang (AA’C’C) mot géc 30 . Tinh thé tich
V' ctia khoi lang tru da cho.

3 3 3
A V=06. B.V=”36. C.V=2a\/g D. 40°Vo

Cau 20. Cho lang tru dung ABC.A’B'C’ c6 day la tam gidc vudng tai B,

AB=4a,AC =3, duong thang A'C tao véi day mot goc 45°. Tinh thé tich V ctia khoi
lang tru ABC. A’B’'C’.

3 3 3
A.V:azz. B. V =a’\3. C.V=a£/g. D.V:%.

Cau 21. Cho lang tru ding ABC. A’B'C’ c6 ddy ABC la tam gidc vuong tai B,AB = q,
BC =2, mjt bén (A'BC) hop véi mit ddy (ABC) mot géc 30°. Tinh thé tich V cua
khoi lang tru da cho.
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5C. Thé'tich khoi ling tru

Céu 22. Cho hinh ling tru dting ABC. A’B'C" ¢6 AB=1, AC =2, BAC =120". Gia st D
la trung diém canh CC’ va BDA' =90". Tinh thé tich V cua khéi lang tru ABC. A'B'C’.

J15

AV=T2 B. V =34/15. C. V =+/15. D. V = 24/15.

Loi giai tham khao
BC? = AB® + AC? —2AB.AC.cos BAC =7 = BC =7

2 2
D4t AA' = h = BD? =hz+7, AB =1*+1, AD? =hz+4

Do tam gidc BDA' vuéng tai A’ nén A'B* = BD* + AD* = h =25 .Suyra V =+/15.

Cau 23. Mot khoi lang tru tam giac cd cac canh day béng 13, 14, 15, canh bén tao vdi mat
phang ddy mot géc 30° va c6 chiéu dai bang 8 . Tinh thé tich V' cta khéi lang tru da cho.
A. V =340. B. V =336. C.V =2743. D. V =1243.

Loi giai tham khao a c
Taco: S, e =21(21-13)(21 - 14)(21 ~15) = 84
Goi O la hinh chiéu ctia A’ trén (ABC )
AA'AO vudng tai O chota: A'O=AA".sin30° =4
Vay: V, =84.4=2336. A

BC.A'B'C'

S, V,
Cau 24. Cho lang tru ABC. A’B’C’. Tinh ti s6 thé tich —2-45€
ABC.A'B'C'
A. VA'AABC — l . B. VA'AABC — l . C. VA'.ABC — 1 . D. VA'.ABC — 1 .
VABC.A'B'C' VABC.A'B'C' VABC.A'B'C' 6 VABC.A'B'C'

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Vin Luc |NES]




5C. Thé'tich khoi ling tru

THE TICH KHOI LANG TRU TU GIAC

Cau 25. Tinh thé tich V' ctia khoi lap phuwong canh bang a.

A.V:%a3. B.V:%as. C. V=4 D. V =+/34°.
Loi giai tham khao B C
A/ D
V = AA’.AB.AD = a°. I
|
Bl
T C
A o
Cau 26. Tinh thé tich V ctia khdi 1ap phuong ABCD.A'B'C' D' bist AD' =2a.
A V=0, B.V=84. C. V=224, D.V:%ai

Loi giai tham khao
AD' = AD\2 =20 = AD=a\2 =V =24°2.

Cau 27. Hinh lap phuwong ABCD.A'B'C'D' c¢6 dd dai duwong chéo bang a. Tinh thé tich
V ctia khoi t¢ dién AA'B'C’ .

a’ a a a*
AV = . B.V=—-=-. C.V=—-x=. D.V = .
33 183 63 1843
Loi giai tham khao
Goi x la canh hinh lap phuong : B
Tacd AA*+A'C? =AC"” :
2 |
x’ +(x\/5) =a’ -
a M i
> X=— f&\—————-\.— --------
1 1 a’ y -
V==§, . AA'==x"= . /
3 ABC 6 18\/5 % ¥

Cau 28. Tinh thé tich V ctia khéi lap phuwong ABCD.A'B'C'D', biét AD'=3a.
A V=0 B. V = 334", C. V=224, D.v=2Lp

232

Loi giai tham khao
Goi x 1a canh ctia khéi lap phuwong = AD' =34 = x =ay/3 = V = 3/34°.
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5C. Thé'tich khoi ling tru

= BAITAP TU LUYEN v

Cau 29. Tinh thé tich V' caa khéi lap phwong c6 cac dinh la trong tam cua cac mét cua
mot khoi bat dién déu canh a.

3 3 3 3
Ay o8 B.V=". C.V:wﬁ. D.sza\/z.
27 27 27 27

Cau 30. Khi d dai canh cta hinh 1dp phuong tang thém 2cm thi thé tich cua né tang
thém 98 cm’ . Tinh canh a cta hinh 1ap phuong da cho.
A.a=3cm. B.a=5cm. C.a=6cm. D.a=4cm.

Cau 31. Tinh thé tich V cua khoi lap phuong ABCD.A'B'C'D', biét tong dién tich cac
mét ctia hinh 1ap phuong bang 150.
A.V =25 B. V =75. C. V=125. D. V =100.
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5C. Thé'tich khoi ling tru

Cau 32. Tong dién tich cac mat ctia mot hinh 1ap phueong bang 96. Tinh thé tich V ctia
khdi 1ap phuong da cho.
AV =64. B. V =91. C.V=84. D. V =48.

Cau 33. Tinh thé tich V ctia khéi 1lap phuwong ABCD.A'B'C'D", biét day ndi tiép duong
tron c6 chu vi bang 47 .
AV=r. B.V=8. C.V=16y2.  D.V=242.
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5C. Thé'tich khoi ling tru

Cau 34. Tinh thé€ tich V' cua khéi lang tru c6 dién tich day B va chiéu cao h.
A.V =Bh. B.V =2 Bh. CV-2Bh  D.V-IBh

Cau 35. Tinh thé tich V ctia khéi ling tru t giac déu ABCD.A'B'C'D' ¢6 canh bén bang
4a va duong chéo AC'= 5a.

AV =124". B. V=94 C. V=3, D. V =184’.
Loi giai tham khao
D C Chon ddp dn D.
#) AC=+AC?-CC"” =3a, ABCD Ia hinh vudng nén
A' ! B!
L Ap=24C_31
i ,’/ \/E \/E
D) +) The tich khdi ling try ABCD.A'B'C'D’ la
/ IO Se 2
| V=A4A"S,, :45{%} =18a°.

Cau 36. Day ctia mot hinh hop la mot hinh thoi cé canh b??mg 6 cm va goc nhon b??mg 30°,
canh bén ctia hinh hop 1a 10cm va tao véi mat phang day mot gée 60°. Tinh thé tich V

cua hinh hop da cho.
A. V =180v2 ent®. B. V =180 cm’.
C. V =1803 cm®. D. V =903 cnt®.

Cau 37. Cho hinh hdp diing cé day 1a hinh thoi canh a va cé géc nhon bang 60°. Duong
chéo 16n ctia day bang duong chéo nhé cta hinh hop. Tinh thé tich V' cta hinh hop da
cho.

3 3 3

A.V:“;/g. B.V =a’\2. C.V:”f. D.V:ag/g
Loi giai tham khao

— Kol a2\/§

Ta c6 tam giac ABD déunén: BD=a va S,,., =2S,,, = >

Theo dé bai BD'= AC = 2@ — a3,

ADD'B= DD'=+BD"?—BD? =a2
DD,:a?’x@

ABCD* 2 °

Vay V =§
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5C. Thé'tich khoi ling tru

—

Cau 38. Cho lang tru dtng ABCA’B'C’ ¢6 AC =a,BC =2a, ACB =120". Duong thang
A’C tao véi mit phang (ABB’A’) goc 30°. Goi M la trung di€ém cta BB’. Tinh khoang
cach d gitra hai duong thang AM va CC’.

A.d:&. B.d:%. c.dzﬁ. D.d:a\g.

21 7
. Loi giai tham khao
> C . Ké duong cao CH cua tam giac ABC.C6 CH L AB;
12077
= CH L AA' suyra CH L (ABB'A’). Do d6 goc giita A’'C
2a ,/’ .
B vamp(ABB'A’) la goc CA'H =30
7 2
+Tacd S, ;- = %CA.CB. sin120° =2 f
, M Trong tam giac ABC :
00,"/ AB? = AC? + BC? —=2AC.BC.cos120° = 7a* = AB = a\J7
P31 3
A A c/ +SAABC:T:§AB‘CH:>CHZQ ;
+Vay: d(CC’; AM)=d(CC’ ;(ABB'A"))

d(C;(ABB'A’))=CH = a\g .

Cau 39. Cho hinh lap phuong (H ) canh a, goi (B) 1a hinh bat dién déu c6 cac dinh la tam

A \ - A 7 \ A ? \ 7 ? ~ S
cac mit ctia (H ) Goi S,, S, lan lwot la dién tich toan phan cua (H )Va (B). Tinh ti s6 S—l )
2

N B 21! C. 2123 S5, 83

e e RSO C2L D. 21=22
SZ 8 Sz 2\/5 52 52 3

Loi giai tham khao
D6 dai canh cuia bat dién déu béng mot nita do dai dwong chéo mot mat ctia hinh lap
phuong.
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5C. Thé'tich khoi ling tru
w Dang 76. Thé tich hinh hdp chir nhit

Cau 40. Ménh dé nao dudi day sai?
A. Hai kh&i chép c6 dién tich day va chiéu cao twong ting bang nhau thi thé tich

bang nhau.
B. Hai khdi hop chit nhat c6 dién tich toan phan bang nhau thi thé tich bang nhau.
C. Hai khéi lang tru c6 dién tich ddy va chiéu cao tuong ting bang nhau thi thé tich
bang nhau.
D. Hai khdi 1ap phuong cé dién tich toan phan bang nhau thi thé tich bang nhau.

Cau 41. Cho lang truy ABCD.A,B,C,D, c6 day ABCD la hinh chit nhat. AB=a, AD = a\/g.
Hinh chiéu vudng goc ctia diém A, trén mat phang (ABCD) trung véi giao diém AC va
BD . Goc gitta hai mit phing (ADD,A,) va (ABCD) bang 60°. Tinh khoang cach d tir
diém B, dén mat phang (A,BD).
LN LY C. d_”f D. 4= 23,
2 3 6
Loi giai tham khao

A . d=

w3 3 v_a _1g \3
2[ h_— V_T suy ra Vi, 5p "%~ 1 3 S0 A(B,;(A,BD)), Supp = 5
3V
d(Bl;(AlBD)) _ BlAlBD _ 11\2/5 )
A,BD

Cau 42. Cho hinh lang tru ABCD.A’B’'C’D’ c¢6 ddy ABCD la hinh chit nhat véi AB=a,
AD =a\3 va A'B=3a. Hinh chiéu vudng goc cua diém A’ trén mit phang (ABCD)
trung voi tam O cua hinh ch® nhat ABCD. Tinh thé tich V cua khoi lang tru
ABCD.A'B'C’'D’.

A.V =24"6. B.V=a'\6. C.Vz%pﬁ«/g. D. V =6a’\2.

Loi giai tham khao
Tacd A'O L(ABCD).Suy ra A'O la chiéu cao ctia khdi ling tru ABCD.A’B'C'D’.
Dién tich hinh chit nhat ABCD la: A

— AB.AD = a*/3. g
.

SABCD

Trong AABD vudng tai A, tacd BD* = AB> + AD* =a” +3a” = 4a".

= BD =24. Tacd BO:%BD:a.

Trong AA'OB vuong tai O, ta co:
A'O* = A'B* ~BO* =9a> —a® =84 = A'O = 2a3/2. Piastn
Chiéu cao cua khoi lang tru ABCD.A’B’'C’'D’.
A'0=2aV2.

Thé tich cua khéi lang tru ABCD.A’B’C’D’ la:

V=S,..,.A'0 =a’\3.2ay2 = 24°\J6.
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5C. Thé tich khéi lang tru
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6A. MAT NON

». Dang 77. Tinh do dai dudng sinh, ducdng cao va
ban kinh day hinh nén

Cau 1. Cho khoi cau (S) tam I, ban kinh R khong d6i. Mot khoi nén chiéu cao h va ban
kinh day thay d6i, ndi ti€p khoi cau. Tinh chiéu cao /1 theo R sao cho thé tich ctia khoi
noén la 16n nhat.

4R R3
—

A b= B.h=R. C.h= D. h=RV2.

Loi giai tham khao
Xét AIOA vuong tai O, ta cod \ 5
IA? =OI* + OA? < R? = (h— R)* +7* 4
—7? =R~ (h—R)* = h(2R - h).
Thé tich ctia kh&i nén duoc tinh theo cdng thirc

V= %m’zh = %ﬂ'hz(ZR —h), he(0; 2R)

i e i = A

Xétham f(i) = %ﬂhz(ZR —h), he(0; 2R)

B O r
Tt bang bién thién ctia f(h) ta c6 duoc két qua
3
maxV = 222K s h:%R.

1257z

Cau 2. Mot khéi nén ¢6 dién tich ddy 25cm® va thé tich bang cm®. Tinh do dai

duwong sinh [ cia hinh nén da cho.
A. 2/5cm. B. 5v2cm. C. /5cm. D. \2cm.

Loi giai tham khao

S, = 7R* =257 :R:S,V:%ﬂ{%:%:h:azzx/h2+R2 =5v2 (cm)

dd

o —

Cau 3. Trong khong gian, cho tam gidc ABC vuong tai A, AB=a, ABC = 45°. Tinh do
dai duong sinh [ cua hinh nén nhan dwoc khi quay tam giac ABC xung quanh truc AB.
A l=a\2. B. !=2a. C.l=ay3. D. I =2a2.

Loi giai tham khao

Ta 6 I = BC /\B
AABC vudngcantai A, [ = a\/E !
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= BAITAP TU LUYEN v

Cau 4. Trong khong gian, cho tam gidc ABC vuong can tai A, AB = AC = 24. Tinh d¢ dai
duong sinh | ctia hinh nén nhan dugc khi quay tam gidc ABC xung quanh truc AC.
A l=aV2. B. [ =2aV2. C.1=2a. D.l=ay5.

Cau 5. Trong khong gian cho tam gidc ABC vuodng tai A v6éi AC =3a,BC =5a. Tinh do
dai duong sinh [ ctua hinh nén nhan duwoc khi quay tam giac ABC quanh truc AC.
A 1=9. B.I=a. C.l=aV7. D. [ =5a.

Cau 6. Trong khong gian, cho tam gidc ABC vudng tai A, AB=a va géc ABC =60°.
Tinh d6 dai duong sinh [ cta hinh nén nhan dwgc khi quay tam gidc ABC quanh truc
AB.
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Cau 7. Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai A, hinh chiéu vuong goc
cua dinh S trén day la trung diém O cua canh BC. Biét réng AB=a,AC = a3 , duong
thang SA tao véi day mot gée 60°. Mot hinh nén ¢6 dinh 1a S, duong tron day ngoai tiép
tam gidc ABC . Tinh d§ dai duwong sinh [ ctia hinh nén da cho.

Za\/g

A l= - B.l=ua3. C.l=a. D.l=2a.

Cau 8. Cho hinh chép tam gidc déu S.ABC c6 chiéu cao bang a. Mot khdi nén tron xoay
c6 dinh la S, ddy la duwong tron ngoai ti€p tam gidc ABC va c6 thé tich V = %mf’. Tinh

ban kinh 7 cta duong tron day.
A.rza\/z. B. r=2a. C.r:a\/g. D. r=3a.

Cau 9. Tinh d6 dai duong cao h cta hinh nén biét ban kinh duong tron ddy bang a, d6
dai duong sinh bang a2 .

A h=a2. B.h=&. C. h=aV3. D.h=a.
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Cau 10. Cho tam gidc ABO vuodng tai O c6 goc BAO =30°, AB =a. Tinh dién tich xung
quanh S - cta hinh nén khi quay tam giac ABO quanh truc AO.

2 2
A.S =rxa. B.s =% c.s =™ D.S =27
xq xq 2 xq 4 xq
Loi giai tham khao
2
OB=AB.sin30° =2, 5 =%
2" TxT )

Cau 11. Cho khéi nédn ¢6 thé tich % Biét rang ti s§ gitta duong cao va duong sinh ctia

khdi nén bang 75 . Tinh dién tich xung quanh S cta hinh non da cho.

A s 107 B. S :loﬁ”. C.S =10\E”. D.s =107
xq 9 xXq 3 xq 9 xq 3
Loi giai tham khao
Theo gia thiét, ﬁ=—5:>h=£
l 3 3
2
Dods, =i +r =y P2 22l 1 0, 1007 s 55
9 3 3 81
:>l=x/§:>r=¥:>5m=7rrl=10Tﬂ.

Cau 12. Trong khong gian, cho hinh thang can  ABCD 6
AB//CD,AB=4a,CD =2a,AD=a.Goi M,N lan luot 1a trung diém cua AB,CD. Goi K
la khéi tron xoay duoc tao ra khi quay hinh thang ABCD quanh truc MN . Tinh dién tich
xung quanh S cta khéi K.

2 2
A.s =" B.S 3%
xq 2 xq 2

C.S, = 3ra®. D.S =nxa’.

2]

Loi giai tham khao
Goi S la giao diém ctia AD va BC.

Néu quay tam giac SCD quanh truc SN, cac doan thang "
SC, SB Tan luot tao ra mdt mat xung quanh cta hinhg nén (H1) )/ i N
va (Hz) A // l'M \\B
Véihinhnén (H,):l, =SC=2a,7,=NC=a, h, =SN =a\/3. |
|
o a a3 |
Véi hinh nén (Hz):IZ:SBza, r,=MB=—,h,=SM=——. |
: A
Dién tich xung quanh ctia khoi K la
ma®  3za’

S =St~ Sy = 7t — 7lyry = 27a’ — =T
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Cau 13. Cho khoi cau tam I, ban kinh R. Goi S 1a diém c6 dinh thoa man IS=2R. Tt S
ké tiép tuyén SM véi khdi cau (véi M 1a tiép diém). Tap hop cac doan thang SM khi M
thay d6i la mdt xung quanh cua hinh nén dinh S. Tinh dién tich xung quanh ctia hinh
nén d6, biét rang tap hop tat ca diém M la duong tron c6 chu vi la 273

A.S =6r. B. S =9—”. C.S5 =3r. D.S =12r.
xq xq 2 2 X

Loi giai tham khao

Do tap hop cac diém M la duwong tron tam H, chu vi
273 = 22MH = 224/3 = r = MH = /3.
Xét AISM vudng tai M, tacd:
SM? =I8* ~ IM* =3R* = | = SM = Ry/3.

1 _ = 12 + 12 = 42 = R=2=1=23.
MH* MI* MS® 3R
Dién tich xung quanh ctia hinhnénla S, =71l =éx.

Hon ntra,

w BAI TAP TU LUYEN v

Cau 14. M6t hinh t& dién déu canh bé“mg a c6 mot dinh trung véi dinh ctia hinh noén, ba
dinh con lai ndm trén duong tron day cta hinh nén. Tinh dién tich xung quanh S,, cua

hinh non da cho.

A.S =za®.  B.S_ ="Znd. C.S, =-—na*. D.S, =3
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Cau 15. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Mot hinh nén c¢6 dinh la
tam ctia hinh vuoéng ABCD va c6 duong tron day ngoai ti€p hinh vudéng A'B'C'D’. Tinh
dién tich xung quanh S cta hinh nén da cho.

a3 a2

Cau 16. Tinh dién tich xung quanh S cta hinh nén dugc sinh ra boi doan thang AC’

cua hinh 1ap phuwong ABCD.A'B'C'D' ¢6 canh b khi quay xung quanh truc AA’.
A.S, =nb*. B.S, =ab’\2.  C.S =a’J3. D.S =xb'6.

Cau 17. Tinh dién tich xung quanh qu cta hinh nén biét thiét dién qua truc ctia né la mot

tam gidc vudng can cé canh goc vuong bang a.

a2

A. S = o B.S =xa*2. C.S = . D.S = .
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Cau 18. Hinh nén c6 thiét dién qua truc la mot tam giac déu canh 24, dién tich toan phan
la S, va mdt cau c6 duong kinh bﬁmg chiéu cao hinh nén, c6 dién tich S,. Ménh dé nao
dwdi day la diing?

A. S, =S,. B. S, =25

2 1°

C. S =25,. D.Ca A, B, C déu sai.

Loi giai tham khao

Bén kinh ddy cta hinh nén la A. Puong sinh ctia hinh nén la 24, nén Ta ¢ S, = 374’

2
Mit ciu ¢6 ban kinh 1 # nén S, = 4z [%J = 3702

Dovay S, =8,.

Cau 19. Trong khong gian, cho hinh chit nhat ABCD ¢6 AB=a va AD =2a. Goi M,N
lan luwot la trung diém cua AD va BC. Quay hinh chit nhat d6 xung quanh truc MN, ta
duwgc mot hinh tru. Tinh dién tich toan phan Stp cua hinh tru da cho.

_ 2 _ 2 _ 2 _ 2
A.Stp—27m. B.Stp—47m. C.Stp—67m. D.Stp—ﬁﬂ.

Loi giai tham khao
Dién tich day S, = za® M A

D i

Dién tich xung quanh S_ =274’
xq

Dién tich toan phén S, = 474’

Cau 20. Cho tam giac ABC vuong tai A c6 BC = J2a; khi quay tam giac ABC quanh
canh géc vudng AB thi duong gap khuc ABC tao thanh mét hinh ndn tron xoay ¢6 dién
tich toan phan S, bang bao nhiéu?

A. S, =2na. B.S, =(J§+2)m2.
C. S, =(v2+1)na’. D. S, =2v2na’.

Loi giai tham khao
r=AB=a;S, =xrl+ar’ =\27d* + nd* =(\/§+1)7m2.

CAu 21. Cho hinh tron tAm S, ban kinh R = 2. Cét di i hinh tron ro6i dan lai &€ tao ra mat

xung quanh cia mot hinh nén N. Tinh dién tich toan phan Stp cua hinh non N.

21

A. S, =3x. B.S,=(3+243)z.  C.§, = D. s, =(3+43)x.

Loi giai tham khao
Xét hinh nén N c6 d6 dai duwong sinhla I=R=2.
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y SR PTG I \ SN A £t
Do mat xung quanh ctia hinh nén la 1 hinh tron ban dau nén ta cé hé thtrc :

E(27:12) 27rr:>r—%:§
4 2

Suyra S, = Z+r =

Nloo

w BAI TAP TU LUYEN v

Cau 22. Mot khdi nén ¢ thé tich bang 967 (cm®), ti s8 gitta duong cao va duong sinh la
4:5. Tinh dién tich toan phan S, ctia hinh n6n da cho.

A.S, =907 (cm?). B.S =97 (cm®). C.S =847 (cm®).D.S =987 (cm?).

Céau 23. Mat noén tron xoay ¢d dinh S. Goi I 1a tdm ctia duong tron ddy. Biét duong sinh
bang a2, goc gitta duong sinh va mat phang ddy bang 60°. Tinh dién tich toan phan 5,

ctia hinh non da cho.
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Cau 24. Trong khong gian, cho hinh thang can ABCDc6 AB//CD,AB=a,CD =2a,
AD =a.Goi M, N Ian luot la trung diém caa AB, CD. Goi K 1a khdi tron xoay dwgc tao
ra khi quay hinh thang ABCD quanh truc MN . Tinh dién tich toan phéan S, cta K.

_9zd’ 17 za’ _7ra’

Cau 25. Cho khoi nén c6 do dai duong sinh [, chiéu cao h va ban kinh day r. Tinh dién
tich toan phan S, cua hinh nén da cho.
A. S, =nrl+2zr. B. S, =zrh+2nr.

C. Stp =xr’ +27r. D. Stp =1l + zr?.
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Cau 26. Cho hinh nén tron xoay c6 duong cao h =4, cé ban kinh ddy r = 3. Mat phang
(P) di qua dinh cua hinh nén nhung khong qua truc ctia hinh nén va cit hinh nén theo
giao tuyén la mot tam giac can c6 ¢ dai canh ddy bang 2. Tinh dién tich S ctia thiét dién

duoc tao ra.

A. S=+/91. B. S=23. C. $=+/19. D.S=26.

Loi giai tham khao
Goi M la trung di€ém ctia canh ddy AB cuia tam giac can SAB.
, AP’ 1

ASAB — E

22 = sM=2J6=5 SM.AB =26.

Suy ra OM = ,|r

Cau 27. Mot hinh nén c6 dwong sinh bang a va géc & dinh bang 90°. Cét hinh nén bang
mo6t mat phang (a) di qua dinh sao cho goc gitta (a) va day cta hinh nén bang 60°.
Tinh dién tich S ctia thiét dién dwoc tao ra.

2 2 2 2
A.S:“‘/E. B.S:“‘/E. C.5=% D.5=2%

3 3 2 3
Loi giai tham khao
SMO = 60"
o2
oy S0 2 _ale

sin S/]\/[\O ) sin 60° 3

Olestﬁ
2 6

AC = 2AM = 2JOA? —OM? = 2”;/5
22

3

S :15M.AC =
2
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». Dang 81. Dién tich xung quanh cua hinh non va
thé tich khdi nén

Cau 28. Cho hinh chop tam giac déu S.ABC co canh day bang a, canh bén hop mat
phéng day goc 60°. Tinh dién tich xung quanh S,, va thétich V' caa khéi non tron xoay

dinh S, day la duong tron ngoai ti€p AABC.

A. S =22, V=202, B.S :2—”112,‘/:1113.
. 3 . 3 9
c.s =Zpv=2p. D.S =2za%V =210
o3 6 *q 12

Loi giai tham khao
Goi G la'trong tam AABC, suy ra G la tam duwong tron day cua hinh non
s (SA,(ABC))=(SA,GA) = SAG =60" va'goi M la'trung diém BC

Ban kinh dwong tron day cua hinh non la
2 2aV3 _ aV3

R=GA==MA==22_22
3 32 3

Chiéu cao cua hinh non la 7 =S5G = AG. tan 60° = %\/5 =qa
P2 203

= Duoing sinh cuia hinh non Ia 1= SA = Vi* + R = a” + = = =2
2 3

2
ﬂa\/EZa\/gzhz ,V=17rth=17ra—a=7m .
3 3 3 3 3 3 9

Do do qu =7RIl=

Cau 29. Cho hinh non (N ) co thiét dién qua truc la tam giac déu canh bang 2a . Tinh thé
tich V' va dién tich xung quanh S cua khoi non (N )

7a®\3 za®\3

A V= ,S =4ra’. B. V= ,S =2ra’.
3 i 3 i
3 8
C.V=L\/§,S = d7a®, D. V=L\/§,S = 27a’,
12 i 12 i
Loi giai tham khao
Goi S la dinh va ASMN la thiét dién qua truc cua hinh non (N )
S Chiéu cao cua hinh non (N ) la h=SH =av3 voi H latrung

di€m MN
Duwong sinh cua hinh non (N ) la'[=SM =2a
Ban kinh duwong tron day cua hinh non (N ) la R=MH =a

1 a3

Dodo’Vz—nth:lzmzu 3= ,
3 3 3

Xi

S .= 7RI = ra2a = 2 wa?
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Cau 30. Trong khong gian cho tam giac IOM sd do goc [OM =30" va canh IM = a. Khi
quay tam giac IOM quanh canh goc vuong OI, thi duong gap khtic IOM tao thanh mot
hinh nén tron xoay. Tinh dién tich xung quanh S va'thétich V' cta khéinon da cho.

7?3 7a®\3

A. S=27a*V = 3 B. S=37a*;V = 3
3 2
C.S=2za%;V =22 V3 D.S=2za%;V =22 V3
2 3
Loi giai tham khao
3
Tacé: OM =2a, Ol =3 ,....A. S, =2za*;V =72 3

3
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Cau 31. Cho hinh non (N ) co thiét dién qua truc la mot tam giac vuong can co canh

huyén bang 24  Tinh dién tich xung quanh S va'thé€tich V' ctia hinh non (N )

3 3

A S =i\, v =% B.S =2za,V="2,
xq 3 Xq 3

3 3

C.S, = 1a*\2,V :%_ D.S, =2za*,V = 4’;”

Cau 32. Cho hinh chop tuf gidc déu S.ABCD co canh ddy bang a, canh bén hop mat
phang day goc 45°. Tinh dién tich xung quanh S,, vathétich V cua hinh non tron xoay

dinh S, day la duong tron noi ti€p hinh vuong ABCD .

A. S =272,V =L g2, B.S =na®, V=232
X7 24 X 24
Cs -Fpy_mN6 s D.s -Fpy_"N2 s
Moo 24 S R 24
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Cau 33. Cho hinh tu’ dién déu S.ABC canh 4. Tinh dién tich xung quanh S = va thé tich
V' cta hinh non tron xoay dinh S, day la duong tron noi ti€p AABC .

As =T2py_ T p B.s = V3,2 AV2 s
q 6 108 i 6 108

C. S, _2z Z,V—ﬁ—\/gpﬁ. D.s =Zpy="Y2 “6,13.
177 3 108 M4 108
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w Dang 82. Thé tich khdi nén

Cau 34. Tinh thé tich V cua khéi nén tron xoay biét khoang cach tir tam ctia day dén

duong sinh bang J3 va thiét dién qua truc la mot tam giac déu.

AV =—-—. B.V=—rH. CV=—. D. V=
3 3 3

3

Loi giai tham khao
V3

i 2 chiéu cao hinh nén: & = R.tan 60° = 2+/3
sin

Ban kinh hinh nén: R =

7R*h B 872'\/5

V= -
3 3

CAu 35. Trong khong gian cho tam gidc OIM vudng tai I, IOM = 30°, IM =a. Khi quay
tam giac OIM quanh canh OI thi tao thanh mét hinh nén tron xoay. Tinh thé tich V' cua
khoi nén tron xoay dwoc tao thanh.

3
Ay TE B. V = za°/3 . ©

V3 V3

Loi giai tham khao

D.V =27a°\3 .

1 za
h=0l=aV3,V =—aR%h="C.
3 V3
Cau 36. Cho tam gidc déu ABC c6 canh bang a quay xung quanh canh AC ctia né. Tinh
thé tich V' ctia khoi tron xoay tao thanh.
3 3 3 3
Av=L B.V=2C0 cv-2"_  py=2
4 18 4 8
Loi giai tham khao
Khi quay tam giac déu ABC quanh canh AC, khdi tron xoay tao thanh la hai khoi nén
tron xoay co trucla AC, duong tron déy co ban kl’nh béng chiéu cao ha tir B.

3
BO = ”*f oa=% yvool o1, ”*F &
2 3 3 )

2 4

Cau 37. Cho hinh chép ti& gidc déu S.ABCD c6 canh ddy bang a, géc SAB = 60". Tinh thé
tich V cta hinh nén dinh S day la dwong tron ngoai ti€p ABCD .
za’\3 wa’~\2 za’~\2 za*\3

. B. V= . C.V= . D. V=
12 12 6 6

A V=
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Loi giai tham khao
Tam giac SAB déu = SA =g;

2
SO =+SA? — AOQ? = az_zizﬂ;

4 2
3
R=A0=2% Zjvzlﬂ(”ﬁf.”ﬁzﬂ”’ﬁ
2 37 272 12

Cau 38. Hinh noén c6 thiét dién qua truc la tam gidc déu canh a. Tinh thé tich V cua hinh

nén da cho.
3 3 3 3
A.V:‘“/g. B.V:”ﬁ. C.V=a\/§. D.V=aﬁ.
24 24 12 12
Loi giai tham khao
3
ﬁ;h:—a\@:V:lﬂth:ﬂu \/5
2 2 3 24

l=a;R=

Cau 39. Tinh thé tich V ctia khdi nén c6 duong sinh bang 10 va ban kinh day bang 6.
A.V =360r. B. V=9r. C.V =288r. D. V =60r.

Loi giai tham khao

[=10,R=6,h =1’ -R* 28:>V=%7Z'R2h=9672'.

= BAITAP TU LUYEN v

Cau 40. Cho khéi nén ¢6 chiéu cao bang 8 va d6 dai duong sinh bang 10. Tinh thé tich
V' ctia khoi nén da cho.
A.V=9rx. B. V =1407. C.V=1287. D.V =124r.

CAu 41. Cho khdi nén c6 chidu cao bang 6 va ban kinh duong tron ddy bang 8. Tinh thé
tich V ctia khoinén da cho.

A.V =160r . B. V=144r. C.V=128x. D. V=120r.
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Cau 42. Cho khd&i nén c6 ban kinh day 1a 3a, duong sinh 1a 5a. Tinh thé tich V cta khéi
non da cho.
A.V=12xa°. B. V =157z4°. C. V =457za°. D. V =16xa’.

Céu 43. Khi chép t gidc déu (H)co thé tich1a V. Tinh thé tich V) kh&inén (N) ni
tiép hinh chép (H).

zV zV zV zV
A ‘/(N)—_. B. ‘/(N)—T. C. V(N)—E. D. V(N)—Y.

Cau 44. Cho tam giac ABC vuong tai A c0 AB=a, AC =2a. Khi quay tam gidc ABC
quanh canh AC thu dwgc hinh nén tron xoay. Tinh thé tich V' cua khéi nén da cho.

3 3 3
A.szza . B. V =274’ C.V:M?:/g. D.V:%.
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Cau 45. Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh la a. Tinh thé tich V' caa khdi nén
c6 dinh la tam O caa hinh vuéng ABCD va ddy la hinh tron ndi ti€p hinh vudng
A'B'C'D'.

2 3 3 2
A v="% B.v="%, c.v="2 D.v="%
3 12 12

Cau 46. Mot hinh nén c6 dién tich xung quanh béng 207 (cm?) va dién tich toan phan
bang 36z (cm?). Tinh thé tich V ctia khdi nén da cho.
A.V=127(cm’). B.V =6x(cm’). C. V=16x(cm’). D.V =567x(cm?).

Cau 47. Trong khong gian, cho hinh thang can ABCD c6 AB//CD, AB=a, CD=2a,
AD =a.Goi M, N lan luot 1a trung diém ctia AB,CD. Goi k¥ 1a khéi tron xoay dugc tao
ra khi quay hinh thang ABCD quanh truc MN . Tinh thé tich V ctia khéi x .

57a°\3 57a°\3 7ra’ 7433

A V= . B. V= . C.V=
8 16
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Cau 48. Mot khdi nén 6 chiéu cao bang 4 va ban kinh duong tron ddy bang 6. Tinh thé
tich V cta khdinon da cho.
A.V =487. B. V =144r. C.V=12x. D. V =24r.
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Cau 49. Cho mat non tron xoay dinh S, day la duong tron tam O, ban kinh day 1a R c6
thé tich la V,. Goi (P) la mat ph:fmg di qua dinh S va tao vdi mat day mot goc 60°. (P)

cat dwong tron ddy tai hai diém A, B ma AB= RV2 . Goi V, 1a thé tich ctia kh6i nén sinh

Jo 2 /4 4 V
bdi tam gidc SAB khi quay quanh truc d6i xting ctia n6. Tinh —=.
1

A Ve i3 g Ve V3 A O A
vV, 3 vV, 4 v, 7 v, 2
Loi giai tham khao
R

SH=R\2, 50=

V2

Goi H 1a hinh chiéu cta O 1én AB.Khi dé: OH =
1 3

2

1%

v, :lﬂ. AB .SH:lﬂR3.£., v, :17T.R2.SO:—7T.—. Suy ra —2 =
37702 3 2 3 32 v,

“|& 52

Cau 50. Ttr mot hinh tron c6 tam S, ban kinh R, nguoi ta tao ra cac hinh nén theo hai
cach sau day:

[

/

ole
B

e Céch 1: Cét bo i hinh tron £oi ghép hai mép lai duoc hinh nén N, .

e Cich 2: Cit bo % hinh tron £6i ghép hai mép lai duoc hinh nén N, .
. A \ ~? 7 2 A 14 \ A 7 7 Vl
Goi V,, V, lan lwot la the tich cia khoi non N, va khéinén N, . Tinh U

2

AR N A Y ch T h o

v, W2 v, 22 v, 23 V, 83

Loi giai tham khao
Cach ghép 1: Xét hinh non N, c6 d6 dai duong sinhla [, = R.
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~ ? N\ 4 \ 3 N\ \ (A A 4 A 7
Do mat xung quanh ctia hinh nén N, la 1 hinh tron ban dau nén ta cé hé thuc:

2
%(Zﬂ'R):Zﬂ'Tl =, :%. Suy ra h, :w/ll2 —rf = fRZ —9112 :RT\/;,

Cach ghép 2: Xét hinh non N, c6 do dai duong sinh la I, = R. Tuwong tu, ta cling tinh

1 .,
—zr'h 2
[, R RJ3 v, 3™ 2n 97
duwoc: h, =\l -1} =,|R> —— =——. Do d6 —L = S s WA\
: 2 2 2 4 2 o do v 1 rzhz 5d3

2 T2 2
zty h,

3
Cau 51. Cho hinh lap phuwong ABCD.A'B'C'D'. goi V, la thé tich khdi tru c6 hai duong
tron ddy ngoai ti€p hai hinh vuéng ABCD va A'B'C'D’; V, la thé tich kh6i nén c6 duwong

tron ddy ngoai tiép hinh vudng ABCD va dinh trung tdm hinh vudéng A'B'C'D’. Tinh ti

s6 Vs .

Vl
Al g l_1 c o 1 p.Y_1
v, 2 V. 3 V. 4 v, 9
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Cau 52. Cho hinh no6n tron xoay dinh S, day la duong tron tam O, ban kinh R =5. Mot
thiét dién qua dinh S sao cho tam gidc SAB déu, canh bang 8. Tinh khoang cach d tir O
dén mat phang (SAB ) :

J13

A.d=§\/ﬁ. B.d=%\/ﬁ. C.d=3. D.dZT.

Loi giai tham khao
SO 1 (OAB).
Ké SH L AB=>OH L AB
= AB L (SOH) = (SAB) L (SOH)
Ké OI L SH = OI L (SAB)nén d =OI
ASOA : OS* =64 —25 =39
AOHA: OH* =25-16 =9

1 1 1 1 1 16 3
= = + ——t—=—2=0I="413.
OI> OH?> 0S* 9 39 117 4

Cau 53. Cho hinh try tron xoay, dy la 2 dudng tron (C) tdm O va (C’) tam O’. Xét hinh
non tron xoay c6 dinh O va day la duong tron (C) . Xét hai cau :
(I) Néu thiét dién qua truc cua hinh nén la tam giac déu O’AB thi thiét dién qua truc ctia
hinh tru la hinh vudng ABB’A’.
(II) Néu thiét dién qua truc cta hinh tru 1a hinh vudng ABB’A’ thi thiét dién qua truc ctia
hinh nén 1a tam gidc O’AB vudng can tai O’.
Ménh dé nao dudi day la diing?

A. Chi (I). B. Chi (II). C.Ca2causai.  D.Ca2cau ding.

Loi giai tham khao
Goi O’AB la thiét dién qua truc ctia hinh noén.
ABB’A’ 1a thiét dién qua truc cua hinh tru.

a3

Xét (I) : Néu AO’AB la tam gidc déu, AB=a thi OO = —
e AA=00= % nén ABB’A’ chila hinh chit nhat. Vay (I) sai.
Xét (II) : Néu ABB’A’ la hinh vudéng, AB =a, thi OO’ =a: Sai ( tam giac vudng thi duong
trung tuyén bang mot ntra canh huyén).
Nhu vay AO’AB khong phai la tam gidc vuong can tai O”: (II ) sai.
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Cau 54. Cho mat noén c6 chiéu cao h =6, ban kinh ddy r =3. Mot hinh lap phuwong dat
trong mat non sao cho truc cia mat nén di qua tam hai dya ctia hinh lap phuong, mot
day cua hinh 1ap phuong noi ti€p trong dwong tron day cta hinh nén, cac dinh ctia day
con lai thugc cac duong sinh ctia hinh nén. Tinh d6 dai canh x cta hinh 1ap phuwong?

A.x=¥. B.x=6(\5—1). C.x=3(2+\/§). D. x=3.
Loi giai tham khao

Goi do dai cta hinh lap phuwong la x, 0 <x < 342 . Giai st hinh lap phuong
ABCD.A'B'C'D' nam trong hinh nén (nhw hinh vé )
Do tam giac SIC dong dang véi tam giac SOB, ta co:

w2

SI_IC_6-x_ 3 6
SL_ _ =% _6(v2-1).
SO ON~ 6 3 T1i2 (V2-1)

= BAITAP TU LUYEN v

Cau 55. Cho hinh nén dinh S ¢6 duong sinh 1a a, goc gitta dwong sinh va day la 30°.

Mit phang (P) hop véi day mot géc 60° va cat hinh nén theo hai duong sinh SA va SB.
Tinh khoang cach d tit tam ctia day hinh nén dén mit phang (P) .

A d=2 B g m3 C.d=2. D.a.m3
4 12 4 4
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Cau 56. Cho hinh nén tron xoay c6 duwong cao h = J5, ban kinh day r =3. Mat phang
(P) qua dinh ctia hinh nén nhung khéng qua truc ctia hinh nén va cit hinh nén theo giao

tuyén 1a mot tam gidc can c6 d6 dai canh day bang 4. Goi O la tdm ctia hinh tron day.
Tinh khoang cach d tir diém O dén mit phang (P)

A.dzﬁ. B. d=+10. C.d=+5. D.d:@.

Cau 57. Cho hinh tru T. Mot hinh néon N ¢6 day la mot ddy caa hinh tru, dinh S cua
hinh nén la tdm cta day con lai. Biét ti s6 glra dién tich xung quanh cta hinh nén va dién

tich xung quanh cta hinh tru bang % Goi g la goc ¢ dinh ctia hinh nén da cho. Tinh

cosp .
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Cau 1. Cho hinh chit nhat ABCD véi AB=6,AD =4 quay quanh canh AB. Tinh dién
tich xung quanh qu ctia hinh tru dwoc tao thanh.

A.S, =24r. B.S, =327. C.S, =487. D.S, =807.

Loi giai tham khao
r:AD=4,l=h=AB=6:>qu =271l =27.4.6 =48~x.

Cau 2. Trong khong gian cho hinh chi* nhat ABCD c6 AB=4 va BC=2. Goi P, Q lan
lugt 1a cac diém trén canh AB va CD sao cho BP =1, QD =3QC. Quay hinh ch@ nhat
APQD xung quanh truc PQ ta duwoc moét hinh tru. Tinh dién tich xung quanh qu cua

hinh tru.
A. qu =10r. B. qu =12rx. C. qu =4r. D.S =6r.

)

Loi giai tham khao
Quay hinh cht nhat APQD xung quanh truc PQ ta dwoc mot hinh truco h=PQ =2,
r=AP =3 nén c6 dién tich xung quanhla S =27rh=2732=12x.

Cau 3. Tinh dién tich xung quanh qu cta hinh tru c6 ban kinh ddy a, thiét dién qua truc

la mot hinh vuong.
A. qu =27a*. B. qu =4ra*. C. qu = 7a*. D. qu =371a*.

Loi giai tham khao
h=1=2a,r=a.=S =2xrh=2xa2a=4za’.

Céu 4. Tinh dién tich xung quanh S caa hinh tru ¢6 ban kinh ddy r =10 cm va chiéu cao

h=30m.
A.S =600z (cm®). B.S, =300z(cm*). C.S, =30007(cm’).D.S, =600z (cm’).

Loi giai tham khao
+ Dién tich xung quanh cua hinh tru: S =27rh=6007.

Cau 5. Tinh dién tich xung quanh S = cua hinh tru ¢6 duong sinh /=15, va mat day c6

dwong kinh 10.
A.S, =1507. B. S, =1507". C. s, =1507". D.S, =757.

Loi giai tham khao
Dién tich xung quanh ctia hinh try la: S =277l =27.5.15 =1507.

Cau 6. Tinh dién tich xung quanh S cta hinh tru ¢6 ban kinh day 3 cm, duong cao 4 cm.

A.S =24z (cm®). B.S =227z (cm®). C.S =26z (cm*). D. S, =207 (cm?).

Loi giai tham khao
qu =27Rl=2.7.3.4=24rx (cm®).
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= BAITAP TU LUYEN v

Cau 7. Cho hinh tru c6 chiéu cao bang 2R, biét rang chiéu cao gap hai lan ban kinh

duong tron day. Tinh dién tich xung quanh S = cta hinh tru da cho.

A. qu =87R*. B. qu = 67R>. C. qu =47R>. D. qu =27R>.

Cau 8. Trong khong gian cho hinh vuéng ABCD canh a. Goi H va I lan luot 1a trung
diém ctia AB va CD. Quay hinh vudng quanh truc IH ta dwgc mot hinh tru tron xoay.
Tinh dién tich xung quanh S cta hinh tru da cho.

a’ a’

A. S =na’. B.S =2na’. C.S = . D.S =
xq xq 2

xq

Céu 9. Tinh dién tich xung quanh S cta hinh tru ngoai ti€p hinh lang tru tam gidc déu

canh bang 4.
27a%\3 za*~3

_ _ )
AS, == B.S =T C.5, == . D.S, =xa3.

Cau 10. Tinh dién tich xung quanh S = cua hinh tru ¢ ban kinh day béng a, duong sinh

bang a2 .
A.S, =27a". B. S, =27a\3. C.S, =2xa*\3. D.S_ =27a’\2.
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Cau 11. Cho hinh 1ap phuong ABCD.A'B'C'D’ c6 canh day bang a. Goi S,, la dién tich

xung quanh cta hinh tru ¢ hai duong tron day ngoai ti€p hinh vuéng ABCD va
A'B'C'D'.Tinh S_.

Cau 12. Cho hinh tru c6 ban kinh ddy bang a va duong cao bang a2 . Tinh thé tich V
va dién tich xung quanh S cta ldng try tam gidc déu ngoai ti€p hinh tru.

A.V=32\6 va S, =6a*\6. B. V=3a"\3 va s, =246
C. V=226 vas =3a6. D. V=6a'\2 vas, =3a6.

Cau 13. CAt mit xung quanh ctia mot hinh tru theo mot dwong sinh roi trai no ra trén mot
mat phéng thi ta dweoc mot hinh chit nhat. Goi S, 1a dién tich xung quanh ctia hinh try, S,

\ - A 7 N\ ~ A 4 ? ~ S
la dién tich hinh chi* nhéat. Tinh ti s6 —L.

SZ
Ai:Z B.i:1 Ci:l D.izé
SZ 2 52 2 5 2

Cau 14. Nguoi ta bo 3 qua béng ban cung kich thudce vao trong mot chiéc hop hinh tru c6
d4y bang hinh tron 16n ctia qua béng ban va chiéu cao bang 3 lan duong kinh cta qua
béng ban. Goi S, la tong dién tich cua 3 qua bong ban, S, la dién tich xung quanh cua

, S
hinh tru. Tinh ti s0 —.

2
Ay, B.J1o2. C.2-15. D. 21 o1,2.
SZ SZ S2 S2
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Cau 15. Nguoi ta bo 5 qua bong ban cung kich thudce vao trong mot chiéc hop hinh tru c6
d4y bang hinh tron 16n cia qua béng ban va chiéu cao bang 5 lan duong kinh béng ban.
Goi S, la tong dién tich ctia ndm qua béng ban, S, 1a dién tich xung quanh cua hinh tru.

Tinh ti s 2L
52
AL B. 2ot c.u3 D. 212
2 2 2 2 2 2

Cau 16. Tinh dién tich xung quanh S = cta hinh tru ¢6 duong cao h = r/3, ban kinh day
la 7.
A.S, =23zr.  B.S, =2\3zr’. C.S, =2J3z*. D.S =23mr.
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Cau 17. Goi [, h, r lan luot la d¢ dai duong sinh, chiéu cao va ban kinh cta hinh tru (T)
Tinh dién tich toan phan S . cuia hinh tru da cho.

A. Stp =zrl+ zr?. B. Stp =27rl + 7r?. C. Stp =271l + 271> . D. Stp =27rh + v,

Céu 18. Tinh dién tich toan phan S, cta hinh tru c6 ban kinh day bang R va thiét dién

qua truc la mot hinh vudng.
A. Stp =47R*. B. Stp =67R>. C. Stp =57R%. D. Stp =27R*.

Loi giai tham khao
[=2R, r=R; Sfp =27R*+27RI =67R*.

Cau 19. Mat ph:fmg di qua truc caa mot hinh try, cit hinh tru theo thiét dién 1a hinh
vuong canh 4R. Tinh dién tich toan phan Stp cua hinh tru da cho.

A. 247R*. B. 207R*. C. 16zR*. D. 47R*.

Loi giai tham khao
Chiéu cao cua hinh tru 1a 4R, ban kinh duong tron day la 2R.
Dién tich toan phan la 5,=5,+25=272R4R + 2.7.(2R)* = 247R?.

Cau 20. Trong khong gian, cho hinh chit nhat ABCD ¢6 AB=a va AD =2a. Goi M,N
lan lwot la trung diém cua AD va BC. Quay hinh chit nhat d6 xung quanh truc MN, ta
duwgc mot hinh tru. Tinh dién tich toan phan Stp cua hinh tru da cho.

_ 2 _ 2 _ 2 _ 2
A.Stp—27m. B.Stp—47m. C.Stp—67m. D.Stp—ﬂ'ﬂ.

Loi giai tham khao
Dién tich day S, = za®

Dién tich xung quanh S_ =274’
xq

Dién tich toan phan S, = 47a’ D
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Cau 21. Tinh dién tich toan phan S,, cua hinh tru biét thiét dién di qua truc cua mot hinh

tru Ia hinh vudng, canh 2a.
A. Stp =8xa*. B. Stp =6ma*. C. Stp =47a*. D. S =2xad*.

Cau 22. Trong khong gian, cho hinh chit nhat ABCD c6 AB=2 va AD=4. Goi M,N
[an lwot la trung diém caa AD va BC. Quay hinh ch nhat d6 xung quanh truc MN,
ta duwoc mot hinh try. Tinh dién tich toan phan Stp ctia hinh tru da cho.

A.S, =4z, B. S, =8. C. S, =12r. D.S, =16x.
4 4

Cau 23. Tinh dién tich toan phan S,, cua hinh try c6 ban kinh day a4 va duong cao a3
A.S, =270 (1+3). B. S, =a’\3.

C. s, =a*(1+43). D. s, =za*(V3-1).

Cau 24. Trong khong gian, cho hinh lang tru tam gidc déu c6 canh ddy bang 3a va canh
bén bang 4a. Tinh dién tich toan phan S,, cta khéi tru ngoai ti€p khdi lang tru tam gidc
déu da cho.

A.S, =a*8\3x. B. 5, =ar(8v3+6).

C. S, =2a7(8V3 +6). D. s, =a'7 (83 +6).
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Cau 25. Tinh dién tich toan phan S,, cua hinh tru cé thiét dién la mot hinh vudng c6 canh

bang 3a.

A.stpza%@. B.S = . C.S = . D.S =
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Cau 26. Mot hinh tru ¢6 ban kinh day r = 5a va khoang cach gitta hai ddy bang 7a. Cat
khéi tru boi mot mit phang song song véi truc va cach truc 3a. Tinh dién tich S ctia thiét
dién duoc tao nén.

A. S=56a". B. S =354". C. S=21a". D. S=70a>.

Loi giai tham khao

Tinh
*OA=5a;, AA'=7a
GoiI1a trung diém ctia AB= OI =34
* AA'=7a * Tinh: AB=2Al =2.4a=28a
* Tinh: AI =4a (do AOAI vudng tai I)
= AB.AA'= 8.7a> = 56a°.

=

i

mY === ===

"l

1
1
|
T T R ———
|
L
I

*
SABB'A’

A

[
S

Cau 27. Mot hinh tru c6 ban kinh day r = 5 cm va khoang cach gitta hai ddy bang 7 cm.
Cat khdi tru boi mot mit phiang song song véi truc va cach truc 3 cm. Tinh dién tich S
cua thiét dién duoc tao nén.

A. S=56cm’. B. S=60cm’. C. S=54cm’. D. S=62cm’.

Loi giai tham khao

Goi I la trung diém AB = OI =3cm. //T\ I\i
Tacd Al =4cm (vitam gidc OIA vudng tai I). &ﬁ/
Suy ra AB=2AI =8. A
Vay dién tich thiét dién: S, , = AB.AA'=8.7 = 56cm’ h
- | '::B-t
“' e
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= BAITAP TU LUYEN v

Cau 28. Nguoi ta x€p 7 vién bi c6 cung ban kinh r vao mét cai 1o hinh tru sao cho tat ca
cac vién bi déu tiép xtic véi ddy, vién bi nam chinh gitra tiép xdc véi 6 vién bi xung
quanh va mdi vién bi xung quanh déu tiép xtic véi cac duong sinh ctia 1o hinh try. Tinh
dién tich ddy cta cdi lo hinh try.

A. S=16xr>. B. S=187r". C. S=97r. D. S =36xr>.

Cau 29. Cho mot hinh tru ¢ ban kinh day bang a va chiéu cao bang % Mt phéng («)

s . ? \ \ /4 ks \ A 2 \\J a 7 - A
song song vai truc ctia hinh tru va cach truc ctia hinh tru mot khoang bang 5 Tinh dién

tich S thiét dién ctia hinh tru bi cit boi (a) .

Cau 30. Cho hinh try c6 chiéu cao & =2, bén kinh ddy r =3.Mot mit phang (P) khong

vudng géc voi ddy ctia hinh try, 1an luot cat hai ddy theo doan giao tuyén AB va CD sao
cho ABCD 1a hinh vudng. Tinh dién tich S ctia hinh vudéng ABCD .
A.S=127. B. S=12. C. 5§=20. D. S =20x.
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Cau 31. Cho hinh chi* nhat ABCD c¢6 AB=ua; AD = a\/g. Tinh thé tich V cta khoi tru
dwoc tao thanh khi quay hinh chit nhat ABCD xung quanh canh AD.

ra®\3

A. V =37a°3. B. V= za®/3 . C.V-= 7 D. V =37za.

Loi giai tham khao
Khai tru c6 ban kinh ddy R = AB = a; chiéu cao h = AD =a+y/3 nén co thé tich V = 7a’3 .

Cau 32. Cho hinh chi* nhat ABCD c¢6 AB=a; AD = u\/g. Goi M, N Tan lwot la trung
diém AB va CD. Tinh th€ tich V cta khoi tru duoc tao thanh khi quay hinh chi nhat
ABCD xung quanh canh MN.

a3 72’3

3
’”"/5. B. V = 7a°\3. C.V-= . D.V-= .
3 12 4

A V=

Loi giai tham khao

Khéi tru ¢é ban kinh ddy R = % = % ; chiéu cao h = AD =a+/3 nén co thé tich

3
V:M4\/§.

Céu 33. Cho hinh nén ¢4 ban kinh ddy R va dwong sinh tao véi mat day mot goc 60°.
Mot hinh tru dwoc goi la ndi tiép hinh nén néu mot duong tron ddy nam trén mat xung
quanh ctia hinh nén, ddy con lai nam trén mit ddy ctia hinh nén. Biét ban kinh cta hinh
tru bang mot ntta ban kinh day ctia hinh nén. Tinh thé tich V ctia khéi tru da cho.

3 3 3 3
”R8\@. B.V:”RM*@. wR3 D.V:”S .

AV = C.V-=

Loi giai tham khao

[¥:]

ASAB déu = SA=2R,SO=R+3

, N: trung diém OB; ON : ban kinh hinh tru ON :g

L ™
I'J s} ; D
/ ,,,,,, y jNN'zlo:lso:R_*/g;
T S B o N > >
A _‘“S"’ N C B 3
V- zON?I0 = ZRA3.

Cau 34. Cho khoi lang tru ding ABC.A’B’'C” c6 ddy ABC la tam gidc vudng can tai A;
AB = AC =a; duong chéo BC’ cua mat bén BB'C’C tao voi mat bén AA’C’'C mot goc
30°. Tinh thé tich V ctia khdi tru ngoai ti€p ldng tru da cho.

7’2 za’~\2 za*\2

A V= . B. V =za®2. C.V-= .
2 d 4 6

Loi giai tham khao
Khoi tru ngoai ti€p lang tru c6 ban kinh day R = % = —mz/z ;

AC'B=30"= AC'= a3 = CC' = a2
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= Khoi tru ngoai ti€p lang tru c¢6 ban kinh day R = # chieu cao ctia khéi tru 1 = av/2 .

a2

Thé tich khéi tru bang

2
Cau 35. Tinh thé'tich V' cua khdi tru c6 thiét dién qua truc la hinh vuéng canh 2a.
3 3
A v =2z B. V =4ra’. C.V =2xd". D.V:z’;” .

Loi giai tham khao
Khdi tru c6 ban kinh ddy R = a; chiéu cao h = 2a nén c6 thé tich V =27za’.

Cau 36. Tinh thé tich V ctia kh6i tru c6 ban kinh ddy bang R va thiét dién qua truc la
mot hinh vudng.
3 3
A.V =27R°. B.V:Z’;R . C.V=47;R . D.V=4zR.

Loi giai tham khao

V = 2R’h = n.0A>.00' = 7.R*.2R = 27R’.

Cau 37. Mot hinh tru c6 2 day la 2 hinh tron ndi ti€p hai mat caa moét hinh 1ap phuong
canh a. Tinh thé tich V cta khoi tru da cho.

A.V:la%. B.V:la%. C.V:1a37z. D.V=2dr.
2 4 3

Loi giai tham khao

Vi hinh tron ndi tiép hinh vuoéng nén cd ban kinh la % .

2 3
Thé tich khdi trula V = BJi = ﬁ(%} a=

Cau 38. Tinh thé tich V ctia khéi tru cé ban kinh ddy bang 2 va cé chiéu cao bang 4.
A.V=8r. B.V =24z. C.V=32z. D.V=16x.

Loi giai tham khao
V=nR’h=r44=161x.

Céau 39. Cho hinh tru c6 hai day la hai hinh tron (O, r) va (O’, r’) cach nhau mot khoang
2\/2a, trén duwong tron day (O, r) 1ay A va B sao cho dién tich tam giac O’AB bang 2a”.

Tinh thé tich V caa khoi tru da cho, biét AB=a.

A.V=16zxa". B. V =12za°. C.V =8ra’. D.V = %ﬁae’.

Loi giai tham khao
Goi H la trung diém AB.O'H =4a; r = 2\/§a; h= 2\/511,‘ V =xr*th=167a°.
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Cau 40. Khoi tru c6 ban kinh day R =a. Thiét dién song song véi truc va cach truc khdi

tru mot khoang béng % la hinh chi* nhat c6 dién tich béng azx/g . Tinh thé tich V caa

khéi tru da cho.
3 3
A. V:*@Z“ . B. V =2374°. C.V =31, D. V:’mg*/g.

Loi giai tham khao
Khoi tru c6 ban kinh day R = a; Thiét dién song song véi truc va cach truc mot khoang

N a . Ny i s A . AL 1A LoFA In: 1Y N . s
bang 5 nén thiét dién chan trén ddy mot day co6 do dai bang av3 = chiéu cao ctia khoi

tru h =a. Thé tich khoi tru béng 37za’. Chon: C.

w BAI TAP TU LUYEN v

Cau 41. Cho hinh cht nhat ABCD c6 canh AB =24, AD =4a. Goi M, N lan luot la trung
diém ctia AB va CD. Tinh thé tich V ctia khéi tru dugc tao thanh khi quay hinh vuéng
ABCD quanh truc MN.

A.V =4zxa’. B. V =2za’. C.V=rxa. D. V =37z4°.

Cau 42. Cho lang tru diang ABC.A’B'C” ¢6 canh bén AA'=2a4. Tam giac ABC vuong tai
A 6 BC =2ay/3. Tinh thé tich V ctia khéi try ngoai ti€p khoi lang tru da cho.
A.V =6ra’. B. V =4zxa’. C.V=2ra. D. V =8za’.
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Cau 43. Cho hinh chi*t nhat ABCD canh AB=4, AD=2. Goi M,N la trung diém céc
canh AB,CD. Tinh thé€ tich V cua khéi tru duoc tao thanh khi cho hinh ch@ nhat quay

quanh MN.
AV =4r. B.V=8r. C.V=1é6r. D. V =32r.

CAu 44. C4t mot khéi tru boi mot mit phfang qua truc ta dwoc thiét dién 1a hinh chit nhat
ABCD c¢6 AB va CD thudc hai day cta khoi tru. Bi€t AB =44, AC = 5a. Tinh thé tich V
cua khoi tru da cho.

A.V =167a". B. V =8za’. C.V=4rd. D.V =127a’.

Cau 45. Cho mot khdi tru ¢ khoang cach gifta hai day bang 10, biét dién tich xung
quanh ctia khéi tru bang 807 . Tinh thé tich V' ctia khdi tru da cho.
A.V =1607 . B. V =164r. C.V=64r. D. V =144r.
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CAau 46. MOt céi bon chira nude hinh tru ndm ngang co thé tich V, chiéu cao h. Luong
P ’ A 7 A 1 2 . A? g7 7 7 A A M
nudc chita trong bon cé chiéu cao h, = Zh. Hoi thé tich nudc chira trong bon gan bang

bao nhiéu V ?
A. 0.340V . B. 0.282V. C. 0.264V . D. 0.250V .

Cau 47. Cho hinh chi*t nhat ABCD ¢6 AB=2, AD =2. Quay hinh chi*t nhat ABCD lan
luot quanh AD va AB, ta dwgc 2 hinh tru xoay c6 thé tich V,,V,. Hé thitc nao sau day
la diing?

AV =V,. B. V,=2V,. C. VvV, =2V,. D. 2V, =3V,.

Cau 48. Goi [, h, r Tan lugt la d6 dai duwong sinh, chiéu cao va ban kinh ddy cua khoi tru
(T). Tinh thé tich V ctia khéi tru (T).

AV =zxrl. B. V:%mﬂh. C.V =2xr’h. D.V =%7rr2h.
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Céau 49. M6t hinh tru c6 chu vi cua dwong tron ddy la a, chiéu cao ctia hinh tru gdp 4 lan
chu vi day. Tinh thé tich V' cta khéi tru da cho.

3 3 2
Av=L, B. V =4zra’. cv=22, D. V=22
T T T

Cau 50. Trong khong gian, cho hinh vudng c6 canh bang 2 (cm), goi I, H Tan luot la
trung diém cua cac canh AB va CD. Khi quay hinh vuoéng d6 quanh truc IH ta duoc
mot hinh tru. Thé tich V' caa khdi tru tron xoay gioi han boi hinh tru.

. B.V=4r. C.V=2r. D.V=r.

Cau 51. Mot khéi try c6 thé tich 1a 20 (dott). Tinh thé tich V cta khéi tru méi tao thanh
khi ting ban kinh 1én 2 Tan.
A.V =40 (dott). B.V =80 (dott). C.V =60 (dott). D.V =400 (dott).
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Cau 52. Mot ban hoc sinh dung tdm bia cting hinh ch nhat ¢é chiéu dai béng 27R va

chiéu rong béng R cudn lai thanh hinh tru ¢6 dwong sinh bfang R. Tinh thé tich 1én nhat
V_ ctia khoi tru da cho.

max

Cau 53. Mot hinh tru ¢ ban kinh day R va c6 thiét dién qua truc la mot hinh vudng.
Tinh dién tich xung quanh S _va thétich V' cua hinh tru da cho.

A. qu =47R*;V =272R°. B. qu =27R*;V =47R>.
C. qu =87R*:V =2zR°. D. qu =27R*;V =87zR>.

Céu 54. Cho khdi ling tru dimg ABC.A’B'C’ ddy ABC ¢6 AB=a; AC =2a; BAC =120".

. \ A? Ve A v N\ ~? 7 Ao . V.4 v 7 2 ~ V
Goi V, 1a thé tich khoi lang try; V, 1a thé tich khéi tru ngoai ti€p lang tru . Tinh ti s6 —-.

2
P cVi B v V3
VvV, l4rn V, 7m , 14z V, T
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Cau 55. Tir mot tdm ton hinh ch nhat kich thwde 80 cm x 360 cm, ngwoi ta lam cac thung
dung nudc hinh tru c6 chiéu cao bé“mg 80cm , theo hai cach sau (xem hinh minh hoa dwdi
day):

* Cach 1: Go tam ton ban dau thanh méat xung quanh cua thung.

* Cach 2: Cat t&m ton ban dau thanh hai tdim bang nhau, r6i go mdi tim dé thanh mat
xung quanh ctia mot thung.

Ki hiéu V, 1a th€ tich cua thung go duoc theo cach 1 va V, la tong thé tich cua hai

%
thuing go dugc theo cach 2. Tinh ti s6 72

1
V. V. V. V.
A.—2=1 B. 2=1. C.—2=2 D. —2=4.
1 1 1 1
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Cau 56. Cho hinh tru cé ban kinh R va chiéu cao ciing bang R. M6t mat phang di qua
tam cua hinh try, khong vudng géc véi day cat hai day theo hai doan giao tuyén la AB
va CD.Biét ABCD la hinh vudng, tinh d6 dai canh hinh vudéng ABCD .

RV10 Ry5 Ry5 3R

A —— B. —. C.—. D. —.

2 2 V3 2

Loi giai tham khao
Goi C’ 1a hinh chiéu ctia C 1én mat phang day chira canh
AB.
Tacd AB L BC’ (do AB L(BCC')).
Suy ra AC’ la duong kinh ctia duong tron day.
Suy ra AC’=2R.
Xét hai tam giac vudng AABC' va ACBC' ta co
BC™? =BC*-CC"” =BC*-R’
BC™ = AC"- AB? =4R* - BC?

_Ry10
-

Suy ra 2BC* =5R* < BC

Cau 57. Gia stz vién phan viét bang c6 dang hinh tru tron xoay duong kinh day bang 1cm,
chiéu dai 6¢m. Nguoi ta lam nhitng hop carton dung phan dang hinh hop chit nhat c6
kich thudc 6 x 5 x 6 cm . Hoi mudn xép 350 vién phan vao 12 hop, khi d6 sd vién phan?

A. Vira du. B. Thiéu 10 vién. C.Thtra 10 vien.  D. Khong xép duoc.

Loi giai tham khao
Vi chiéu cao vién phan la 6 c¢m, nén chon day cua hop carton c6 kich thwdce 5 x 6.
Mbi vién phan cé duong kinh 1 cm nén mdi hop ta cé thé dung duogc 5 x 6 = 30 vién.
SO phan dung trong 12 hop la : 30 x 12 = 360 vién
Do ta chi c6 350 vién phan nén thi€u 10 vién, nghia la dung day 11 hop, hop 12 thiéu 10
vién.

C4u 58. Cho hinh cau (S) tam I, ban kinh R khong d6i. Mot hinh tru ¢6 chiéu cao h va

ban kinh ddy r thay doi néi ti€p hinh cau. Tinh chiéu cao & theo R sao cho dién tich
xung quanh cua hinh tru 16n nhat.
_R\2

2

A. h=RJ2. B.h=R. C.hzg D.h

Loi giai tham khao

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |RES




Xét AIOA vuodng tai O, ta co
2

IA* =0OI* + OA? < R? =hz+r2.

2 2
Suy ra r* = R? —h—:>r=«/R2—h—.
4 4

Dién tich xung quanh ctia hinh try tinh boi cong thirc

qu =271l =27h,|R? —% Sy N (4R2 —hz).
s _. h2(4R2_h2)<72'[h2+(4R2_h2)]:27[R2
xq V - 2 °

Dau "=" xay ra < h’ =4R*> —-I> & I = RV2.

e ———————

Cau 59. Cho khoi cau (S) tam I, ban kinh R khong ddi. Mot khoi tru ¢6 chiéu cao h va

ban kinh day r thay do6i noi ti€p khoi cau. Tinh chiéu cao h theo R sao cho th€ tich ctua

khoi tru 16n nhat.
A. h=R2. B.h=%. C.h:R—\/g. D.h=RT\/§.

& 3

Loi giai tham khao
Xét tam gidc AIOA vuodng tai O, ta co
2

IA* =0’ +0A* & R :hzrz.

2 2
Suy ra r:Rz—h—:r:«/Rz—h—
4 4

Thé tich khdi tru dugc tinh boi cong thic:

2
V = zr*h =7Z’(R2 —%Jh.

s W
Xét ham f(h) = H(RZ —ZJh, he (0,’2R).

Tir bang bién thién cia ham £ (h), ta c6 két qua maxV =

4733 213
5 )

khi h =
3

Céau 60. Mot hinh tru c6 ban kinh R va chiéu cao R\/g . Cho hai diém A, B lan luot nam
trén hai duong tron day sao cho géc gitta AB va truc cta hinh tru bang 30°. Tinh

_R3
3,

khoang cach d gitta AB va truc ctia hinh tru.

RV3

A.d=T3. B.d=R\3. C. d D. d=3R.

Loi giai tham khao
+Goi O, O’ latam ctia hai ddy = OA=0'B=R.
+Goi AA’ la duong sinh ctia hinh try
+Tacd O’A’=R; AA’ = R3 va BAA' =30".
+Mat khac OO’/ /(ABA’)

= d(00’; AB)=d(00’;( ABA’))=O'H

(v6i H la trung diém cua A’B).
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+ AAA’B vudng tai A’= BA’= AA’.tan30° =R.

RV3
=

= ABA’O’ déu > O'H=——

Cau 61. Cho hinh tru c6 chiéu cao h =5, ban kinh day r =2 . Mot doan théng c6 chiéu dai
bang 6 va cé hai ddu mut ndm trén hai duong tron day. Tinh khoang cach d tir doan
thang d6 dén truc cta hinh tru.

A d=Y". B.d=2. C.d=22. D.d=42.

Cau 62. Cho hinh tru c6 chiéu cao va ban kinh day cting bang a. Goi M, N 1a hai diém
trén duong tron ddy sao cho day cung MN tao véi truc hinh tru mét goc 60°. Tinh
khoang céch d tir truc hinh tru dén duong thang MN .

A.d=§. B.d=a\3. c.d:g. D.d=a.
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Cau 63. Cho hinh tru ban kinh R, truc ¢6 d6 dai 2R. Hinh nén ndi tiép hinh tru c6 day
trung voi duong tron day cua hinh tru va chiéu cao trung véi truc caa hinh tru. Hoi thé
tich kh&i nén bang bao nhiéu Ian thé tich khdi tru?

A L Tan. B. 1 Ian. c. L ian. D.
5 3 4

Cau 64. Cho hinh tru tron xoay, ddy la 2 duong tron (C ) tam O va (C ') tam O'. Xét
hinh nén tron xoay ¢é dinh O’ va day la duwong tron (C ) . Xét hai cau :
(I) Néu thiét dién qua truc cta hinh nén la tam giac déu O’AB thi thiét dién qua truc ctia
hinh tru la hinh vudéng ABB’A’.
(II) Néu thiét dién qua truc ctia hinh tru 1a hinh vudng ABB’A’ thi thiét dién qua truc ctua
hinh nén 1a tam gidc O’AB vudng can tai O'.
Hay chon cau dang.

A. Chi (I). B. Chi (II).

C. C4 2 cau sai. D. Ca 2 cau duang.

CAu 65. C6 bao nhiéu khang dinh dtng trong cac khang dinh sau?

I. Mt tron xoay sinh béi dwong thang I 6 tinh chat song song va quay quanh duong
thang A c§ dinh duoc goi la hinh try.

II. Cho mat tru (C ) 6 truc A va ban kinh R. Néu c6 mit phang (P) vuong goc voi

A thi giao ctia mat tru (C ) va (P) la duong tron ban kinh 2R.
I11. Dién tich ctia mat cau c6 duong kinh 2R bang dién tich xung quanh hinh tru c6
ban kinh R, d dai trucla 2R.
IV. Mt tru tron xoay c6 v6 s8 mat phang ddi xtng.
A. 1. B. 2. C. 3. D. 4.
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Cau 66. Mot hinh tru tron xoay c¢6 ban kinh R=1. Trén 2 duwong tron (O) va (O') lay
Tan ot 2 diém A va B sao cho AB =2, gbc gitta AB va truc OO' bang 30°. Xét hai
cau:

(I) Khoang céch gitta OO' va AB bang %

(IT) Thé tich cua hinh trula V = J3.
A. Chi (I) dung. B. Chi (H) duang.
C. Ca hai cau déu dung. D. Ca hai cau déu sai.

C4u 67. Khi san xuat vo lon sita ¢o hinh tru, cac nha thiét ké luén dat muc tiéu sao cho chi
phi nguyén liéu lam vé lon la it nhat, ttec la dién tich toan phan ctia hinh tru la nho nhat.
Tinh ban kinh day R sao cho thé tich khdi tru d6 bang V va dién tich toan phan hinh
tru nho nhat.

ar=iY . B r=yV. c.r= |V D.R:JZ
2 T 2 T
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Céu 1. Cho hinh chép tir gide déu S.ABCD c6 canh day bing a va BSD = 60". Tinh ban
kinh R ctia mat cau ngoai ti€p hinh chép S.ABCD.

a2 a2 2a B & .

A. R=—— B. R—— C.R=— D. R

N .R="2. . R==

Loi giai tham khao
Goi O la giao diém AC va BD

(

BD=ay2 = BO =
Goi M la trung diém SB. Du:cmg trung truc canh SB cit SO tai I. Suy ra I la tam mat
cau ngoai ti€p hinh chép S.ABCD.

a2
SMSB o a2 a2
SO afe B

2

SI =

Cé4u 2. Cho mat cau (S) c6 dién tich béng 87a”. Tinh ban kinh r ctia mét cau (S ) .
A.r:\/ga. B. r=2a. C.r=a. D.r:a\/E.

Loi giai tham khao
/'S 8rza’
r=,-—-= =2a.
4r 4r

Cau 3. Cho hinh chép tam gidc déu cé canh day bang a, géc gifta canh bén va mat day
bang 45°. Tinh ban kinh R ctia mdt ciu ngoai tiép hinh chép da cho.

w3 w3 o3 o3

A. R—— B. R—— C. R—— D. R="

L0’1 giai tham khao
Cho hinh chép tam gidc déu c6 canh ddy bang a, goc gitta canh bén va mat ddy bang 45°.
M3t cau ngoai tiép hinh chép c6 ban kinh bang:
Gia stt S.ABC la hinh chop tam giac déu
Goi O la tdm cua tam giac déu ABC
= SO L(ABC)= SCO =45’

a3
=3

= ASOC vuodngcantai O = 0S=0A=0B=0C =

Cau 4. Cho hinh 1ap phwong ABCD.A’B’C’'D’ canh a. Ménh dé nao dwéi day la diing?

@. 4 —%. D.rzu\/g.

A.r= B.r=—. Cr=
2

Loi giai tham khao
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A B
i ' Goi O la trung diém cta duong chéo AC’ thi O la tam
D : C cua hinh 1ap phuvong nén O cach déu cac dinh cua hinh
A’: O lap phuong. Vay mdt cau di qua 8 dinh hinh lap phuwong co6
)__.___."'._: _______ 5 1
B tam 0, ban kinh:r = %, AC'=a\3 == % .
D’ "c’

—

CAu 5. Cho hinh chdép S.ABC ¢6 AB=a, AC=2a, BAC = 60", canh bén SA vudng goc
voi ddy va SA = a/3. Tinh bén kinh R ctia mét cau ngoai ti€p hinh chép S.ABC.
aN’7 a~\/55 a~N'10 aN11

A. R=—— B. R= C.R= . D. R=
2 6 2 2

Loi giai tham khao
Ta 6 BC =VAB? + AC> —2AB.AC.cos A = av/3.
Goi r la ban kinh duong tron ngoai tiép

2 2
,BC =2r:>r=u:>R2=r2+SA =7L:R=ﬂ.
sin A 4 4 2

AABC =

Cau 6. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuéng canh a, mat bén SAB la tam
gidc déu va nam trong mat phang vudéng goc véi mit phang day. Tinh ban kinh R cta

3

mat cau ngoai ti€p hinh chép da cho.

u21. B.R:a 11.
6 6

A. R=

C.R:%. D. R

Loi giai tham khao
Goi H, G, I, O Tan luot 1a trung di€m canh AB, tam duwong tron ngoai tiép tam gidc
SAB, tam mat cau ngoai ti€p hinh chép S.ABCD, tam hinh vuéng ABCD.
av'21
.

= HOIG la hinh cht nhat >R =1A=
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= BAITAP TU LUYEN v

Cau 7. Cho hinh chép S.ABC c6 ddy ABC la mot tam giac déu canh bang a, SA vuéng
goc voi mat phéng (ABC ) va SA =a+3. Tinh ban kinh R cia mat cau ngoai ti€p hinh
chop S.ABC.

a/156 _a13

A.R= . B.R=
12 12

c. R=M12 D. R = W16
12 13

Cau 8. Cho hinh chép S.ABC c6 cac canh SA, SB, SC vudng goc voi nhau tirng do6i mot
va SA =SB =2a,5C =4a. Tinh ban kinh R cia mdt cau ngoai ti€p hinh chép S.ABC.

A. R_”‘/_ B. R=a3.

Cau 9. Cho hinh chop S.ABC c¢6 ddy ABC vudng can tai B, AB=a, SA=2a, SA vudng
goc voi (ABC) . Xac dinh tam I va ban kinh mat cau ngoai ti€p hinh chép S.ABC.

(

A. I la trung diém AC, R= a2 . B. I la trung diém AC, R=

(

C. I latrung diém SC, R=—— 4 D. I la trung diém SC, R:a\/g.
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Cau 10. Cho hinh chop S.ABC c6 day la tam gidc vudng tai A, SA vudng goc voi mat
phang (ABC ) va c6 SA=a,AB=b, AC =c. Tinh ban kinh r cia méat cau di qua cac dinh

S, A, B, C.
A.r=201+TZHC). B. r=2VJa®> +b* + .

C.r:%\/a2+b2+c2. D. r=+\a*+b*+c*.

Cau 11. Cho hinh chép S.ABC c6 day la tam gidc déu canh a, mat bén SBC la tam giac
can tai S va nam trong mat phang vudng gdéc véi ddy. Goi H la trung diém cta BC,
SH = a2 . Tinh ban kinh R ctia mit cAu ngoai tiép hinh chép S.ABC.

aN275 aN275 Cc.R." 275 . D R- a2§§4 .

A. R= . B.R=————.
V483 384 V384
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Cau 12. Cho khéi cau (S) c6 ban kinh r, S 1a dién tich mat cau va V la thé tich cua khoi

cau. Ménh dé nao dudi day la ding?

A.V =41, B.S:éﬂrz. C.rzl. D.rzﬂ.
3 3S S

Cau 13. Cho hinh chop S.ABCD c¢6 day ABCD la hinh chit nhat, AB=2a, AD =3a. Goi H
la trung diém cua AB. Biét SH L (ABCD) va tam giac SAB déu. Tinh ban kinh R cua
mat cau ngoai ti€p hinh chép S.ABCD.

A R=" 229. B. R=1 ;29. c.rR=M12 ¢ .

Cau 14. Cho hinh chép tam gidc déu S.ABC c¢6 AB=1, SA=2. Tinh ban kinh R ctia mat
cau ngoai ti€p hinh chép S.ABC.

24/33 J3
== . .
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Cau 15. Cho hinh chop S.ABC c¢6 ddy ABC la tam gidc vuong tai B ¢6 AC béng a3
Canh bén SA vuodng goc voi ddy va SA = a+/6. Tinh bén kinh R ctia mit cau ngoai tiép
hinh chop S.ABC.

A. R=2g. B. R=g—. C.R:Ea. D.R:Ea.

Cau 16. Trong khong gian, cho hai diém A, B c¢6 dinh va d¢ dai doan thfmg AB bémg 4.
Biét réng tap hop cac diém M sao cho MA =3MB la mot mat cau. Tinh ban kinh R caa
mat cau da cho.

A. R=3. B.Rz%. C.R=1. D.R:%.
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Cau 17. Canh bén ctia mot hinh chép tam gidc déu bang a tao véi mit ddy mot goc 30° .
Tinh dién tich S ctia mat cau ngoai ti€p hinh chép da cho.

2 2
A.S, = 47;” . B.S, = 3’;“ . C.S, =4rxa*>.  D.S, =2zd.

Loi giai tham khao
Goi O la tam duong tron ngoai ti€p tam gidc déu ABC = SO la truc duong tron ngoai
tiép tam giac ABC.
Ldy M la trung diém SA . V@ trung truc canh SA cat SO tai I
= [ la tdm maét cau ngoai tiép hinh chép S.ABC

2
SO = SA.sin 30° =%, AO =+SA* -S0O? = /az _% :#
ASMI dong dang vdi ASOA

@ a3
SM_ML_ . SMOA_» 5 _aJ3
SO OA SO a 2

IA=NAM? +IM* =a

S, =4rr’ =4a’z.

m

Cau 18. Cho hinh ldng tru déng ABC.A'B'C' ¢6 day ABC la tam giac vudng tai A. Biét
r?ang AB=ua,AC = a\/g, duong théng AB' tao voi day mot goc 60°. Tinh dién tich S .
cua mat cau ngoai tiép lang tru ABC.A'B'C".

137a® B 7ma’ 137a®

A.S = . B.S = . C.S =7ra". D.S = .
me 3 me 4 me me 12

Loi giai tham khao

Ta ¢ (AB',(A'B'C')) — AB'A'=60" suyra AA'= A'B'tan AB'A' = ABtan 60’ = a/3

Do tam gidc ABC vuodng tai A nén BC =V AB”* + AC* =2a , trong tam giac IOB ta c6

EE

R=IB=+I0*+OB* =

2

2
j +a :#:smzzyﬂzz =77’

Céu 19. Cho hinh chop S.ABCD cé day ABCD la hinh vudng canh a. Canh bén
SA=a\6 va SA L(ABCD). Tinh dién tich S, cta mit ciu ngoai ti€p hinh chép
S.ABCD.

A.S,  =8ra’. B.S =16xa". C. S, =4ra’. D. S =97a*.

Loi giai tham khao
Goi I la trung diém SC . Chtitng minh dwoc cac diém A, B, D cung nhin doan SC c&
dinh dudi mot goéc vudng nén cac diém S, A, B, C, D cung nam trén mat cAu tam 1,
duong kinh SC . Tinh duge SC =242 = R=ay2 = S =8za’.
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Cau 20. Cho hinh chép S.ABC c6 day ABC la tam gidc vuong tai B, AB=a,BC =24,
canh bén SA vuong gdc voi ddy va SA = a/3 . Tinh dién tich S,. ciia mdt cau ngoai ti€p
hinh chép S.ABC.

A. S, =4ra’. B.S, =32za’. C.S, =8ra. D.S =16za’.
Loi giai tham khao
BC L SA §
0 = B L (SAB)= BC L SB. |
BC L AB

Khi d6 ZSAC = ZSBC =90°, suy ra hinh chép
S.ABC noi ti€p mat cau duong kinh SC.

Ta co

SC =+JSA? + AC? =~/SA> + AB> + BC? = 2a\2

a3

=7 :%za\/i. Suyra S, _=4xr’ =8xa’.

Cau 21. Cho tt dién SABC ¢6 SA =2a va SA vudng goc v6i (ABC). Tam gide ABC
cO AB=a,BC =24,AC = a\/5. Tinh dién tich S, cia mat cau ngoai tiép ti dién SABC.

A.S =9ra’. B.S =27za". C. S, =18za’. D. S, =36ra’.
Loi giai tham khao

SA 1(ABC)=>SA L AC (1)
AB® +BC* =5a" = AC* = AB L BC= SB L BC (2)

Tir (1) va (2) suy ra mét cau ngoai tiép tt dién SABC ¢6 dwong kinh

2
SC=+4a’+5a* =3a=S, _=4r (%) =97a°.

w BAITAP TU LUYEN v

Cau 22. Cho hinh chop S.ABC c6 day ABC la tam gidc vuong can tai B, AB=BC = a3,
SAB = SCB = 90° va khoang cach tit A dén mat phing (SBC ) bang a2 . Tinh dién tich

S, . clia mat cau ngoai ti€p hinh chép S.ABC.
A.S =3ra". B.S =167a’. C.S =2za*.  D.S _=127a".
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Cau 23. Cho hinh chép S.ABC, c6 ddy ABC la tam gidc vuong tai B voi AC = 6a,

SA =8a, SA vudng goc voi mat day. Tinh dién tich S, cuia mdt cau ngoai ti€p hinh chop
S.ABC.

A.S =64ra’. B.S :6—;7m2. C.S _=100za*>. D.S :%ﬂaz.

mc

Cau 24. Cho hinh chép S.ABC c¢6 ddy ABC la tam giac déu canh a, canh bén SA vudng
goc voi day va SA =av3. Tinh dién tich S . ctia mat cau ngoai ti€p hinh chép S.ABC.

2 2 2 2
A Smc _ 137a ' B. Smc _ 137a ' C.S5 - 137a . D.S - 137a
6 12 e 9

me :

A. 2 Tan. B. % Tan. C. 4Tan. D. i lan.
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Cau 26. Hinh nén c6 thiét dién qua truc la mot tam giac déu canh 24, dién tich toan phan
la S$1 va mit cau c6 duong kinh bang chiéu cao hinh nén, c¢é dién tich S.. Ménh dé nao
dwdi day la diing?

A.S =S,. B. S, =25,. D.Ca A,B,C déu sai.

Cau 27. Cho lang tru tam gidc déu ABC.A'B'C’ c¢6 canh day bang a. Mt phang (AB’C’)
tao véi mit phang (A’B’C’) mot géc 60° va G la trong tdm AABC . Tinh dién tich S,
cua mat cau ngoai tiép hinh chép G.A’B'C’.

B g WML g WL pg g,

w Dang 92. Thé tich khdi cau

Cau 28. Cho tit dién déu ABCD c6 canh bang a. Tinh thé tich V ctia khdi cau tiép xtc véi
tat ca cac canh caa t¢ dién ABCD.

3 3 3 3
A.V:‘/E””. B. v =277 C.V=2‘/E”. D.V=\/§a.
8 24 9 24
Loi giai tham khao

Goi M, N lan luot la trung diém cia AB va CD.Tac6 MN =y AN? - AM?* =

a2
2

3
— Bén kinh kh&i cau 1a: 7 = @ - % — Thé tich khéi cau la: V = \/EZZ a
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Cau 29. Cho ti¢ dién SABC, day ABC la tam giac vuong tai B voi AB=23,BC =4. Hai
mat bén (SAB) va (SAC)Cimg vuodng goc voi mp(ABC) va SC hop véi mp(ABC) mot
goc 45°. Tinh thé tich V' ctia mit cau ngoai ti€p hinh chép S.ABC.

5732 gy o 25m2 c oyl o 125m2

A V= . .
& 3 3 3

Loi giai tham khao
AABC: AC=v9+16 =5
(SAB) L (ABC),(SAC) L(ABC)= SA 1 (ABC)

= SCA=45"=SA=SC=5

4 (gj:z; (5&]3:125N5_

V==x -7
3 2 3 2 3

Cau 30. M3t cau ngoai tiép hinh lap phuong canh 2a c6 thé tich bang bao nhiéu?
AV =na. B. V =237a’. C.V=33zd’. D.V=437a.

Loi giai tham khao

[ 12 ' 12
r= 44 ;AC =f3a, V = 4[37a°.

Cau 31. Cho hinh chop t&t giac déu S.ABCD c6 canh day b??mg a, canh bén hop véi day
goc 60°. Tinh thé tich V ciia mat cau ngoai ti€p hinh chép S.ABCD.

86 86 26

A.V:—67m3. B.V:—67m3. CV="zi. D.V==rad.
27 3 27

Loi giai tham khao
Goi O la tam hinh vuéng ABCD, taco SO L (ABCD)
= SO 1a truc duong tron ngoai ti€p hinh vuéng ABCD

—_—

SAO = SBO = S5C0O = SDO = 60" & SA=SB=SC =SD (gt)
= A SAC va ASBD la hai tam giac déu bang nhau

Ta co AC:a\/EVéSO:ACﬁzg 2
2 2 o "ij'_.'_'_-_'_'_" "';"j"::::f:.—'--‘ C

Goi I tam duwong tron ngoai ti€p tam giac SAC
= [ cling 1a tam dwong tron ngoai tiép tam giac SBD
Dodo: IS=IA=IB=IC=ID=R

= Ban kinh mit cau ngoai tiép khdi chép S.ABCD la: R =SI = %so AL

Vay thé tich khdi ciu can tim: V = %m@ - % .

Cau 32. Cho hinh chép S.ABC c6 ddy ABC la tam giac déu canh bang 24, mat bén SAB
la tam gidc déu va nam trong mit phang vudng goc véi mit phang day. Tinh thé tich
V ctia mat cau ngoai ti€p hinh chdp da cho.

3 3 3 3
Ay 82l o 5Pl 282ied L 2420nd’
27 27 27 25
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Loi giai tham khao
Goi O la trong tam cua ABC.Qua O ké Ox//SH , 1ay
Q e Ox sao cho OH=%CH=%

SH=HC=a3=ST=2% =50~ %a

7
3
V:4_er3:4_ﬂ_( 7 ] _2821ma’

3 3°1\3 27

= BAITAP TU LUYEN v

Cau 33. Cho hinh chop S.ABC c6 day la tam gidc vuong can tai A, BC = av2. Mit bén
SAB 1a tam gidc déu va ndm trong mgt phang vudng géc véi ddy. Tinh thé tich V cta
mat cau ngoai ti€p hinh chép S.ABC.

3 3 3 3
A V=T B.V:’m‘/Z cv="% . :M.
54 54 3 54

Cau 34. Cho hinh chép ti gidc déu canh ddy bang a, SB = 2a. Tinh thé tich V ctia mat cau
ngoai ti€p hinh chép da cho.

A.V:#Lﬁ B.V:@zﬁ. C 64@7[&13. . —16ﬂﬂa3.

1
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Cau 35. Cho hinh vuéng ABCD canh 4a. Trén canh AB va AD lan lwot 1ay hai diém H
va K sao cho BH =3HA va AK =3KD. Trén duong thang (d) vudng goc (ABCD)ta_i H

—

18y diém S sao cho SBH = 30". Goj E la giao diém cua CH va BK. Tinh thé tich V cua
mdt cau ngoai ti€p hinh chop SAHEK.

3 3
A.V:’mm. B.V:M.
3 3
3 3
- 527ra3\/ﬁ. — 527[113\/5.

Cau 36. Mot binh dung nuwdc dang hinh nén ( khong c6 ddy), dung day nwde. Nguoi ta
tha vao d6 mot khdi cau cé dwong kinh bang chiéu cao ctia binh nuwdc va do dugce thé tich
nudc tran ra ngoai la 187 (dm’), Biét thé tich khdi cau tiép xtic vdi tat ca cdc duong sinh
cua hinh nén va dang mét ntra ctia khoi cau chim trong nwéce (thinh bén). Tinh thé tich V
ctia nude con lai trong binh.

A. V =6z (dm’). B. V =127 (dm’) .

C. V =54z (dn?). D. V =24z (dn?).

Cau 37. Cho hinh chép S.ABCD c6 day ABCD la hinh chit nhat, AB=1, AD =2 canh
bén SA vuodng goc voi ddy va SA = J11. Tinh thé tich V ctia mét cau ngoai ti€p hinh
chép S.ABCD.

11\/ﬁ7l’

AV=— B.V =32r.
C.v =27 D. v = 207
3 3
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Cau 38. Cho lang tru dung ABC.A'B'C' c6 day ABC la tam giac vudng tai
A,AA'=8,BC =6. Mit cau (S) ngoai ti€p lang try, hinh tru (T) c6 2 déy la 2 dudng
tron ngoai ti€p 2 tam gidc ABC.A'B'C’. Tinh ti 1é thé tich ¢ ctia khéi cau va khéi tru
twong (ng véi mat cau va hinh tru da cho.

A tzg. B tzg C,t:é D t=2—5
54 27 27 54

Cau 39. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuéng, canh bang a, canh bén SA
vudng gbéc voi mat day va SA = avJ2. Tinh thé tich V caa mat cau ngoai ti€p hinh choép da
cho.

3
A V=2 B Vz%mf C. V:32’3m D. V =4z,
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CAu 40. Tinh thé tich V ctia mat cau ngoai tiép hinh 1ap phuwong ¢ canh bang 4.
ma’ 7a’\3 37a’\3
. . . B

> C.V=ra®J3. D.V-=

Cau 41. Cho mat cau S(I;R)va mot di€ém A sao cho IA=2R. Tix A ké ti€p tuyén AT
dén (S) (T 1ati€p diém). Tinh d6 dai doan thang AT .

A. Ang. B. AT=R. C. AT=R2. D. AT =R3.

Loi giai tham khao
Tam gidc JAT vuodng tai T nén AT =vIA> —IT? = V4R’ —R? = R/3,

CAu 42. Trong khong gian, cho hinh chit nhat ABCD c6 AB=2,AD =1. Duong thang d
nam trong mat phéng (ABCD) khong c6 diém chung véi hinh chit nhat ABCD, song
song véi canh AB va caich AB mot khoang bang a. Goi V 1a thé tich ctia khdi tron xoay
7, nhan duwoc khi quay hinh ch®t nhat ABCD xung quanh truc 4. Cho biét
d(AB,d)<d (CD,d). Tinh a biét rang thé tich cua khéi 7 gap 3 lan thé tich ctia khdi cau
c6 duong kinh AB.

A a=3. B.a=-1++2. C.a:%. D.a=—.

Loi giai tham khao
Thé tich khéi T 1a V, = z(1+a) 2 - 7a>.2 =27 (1+2a)
Thé tich khi ciu co ban kinh R=22 =11 v, =27

Ta c6 phwong trinh V, =3V, < 27r(1 + 2a) =4dr<a= %

Cau 43. Cho tit dién déu ABCD canh a. Tinh a biét mat cau ngoai tiép t& dién cd
ban kinh bang 1.

_2J6
L

A. a

Loi giai tham khao
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Goi M, H, I lan luot la trung diém CD, trong tam tam giac BCD va trung di€ém AB suy
ra AH la truc cia duong tron ngoai tiép tam giac BCD , trong mit phang (ABH ) ké
duong trung triec cia AB cit AH tai O.Khidb, O chinh la tAm ctiia mit cau ngoai ti€p
t& dién ABCD, ban kinh R=0A =1.

BopoolB [ F _ale

Tacé:BM_” ;BH =712 AH = \|a* - =

3 3
Xét hai tam giadc vudng dong dang AIO, AHB ta cé:
OA 1A AB* 4’3 26
=0A= =—F=>=a=—
AB AH 2AH 246 3

3

Cau 44. Cho khdi chép t¢ giac déu c6 canh day bang a va thé tich la %. Goi t la ti s

gitta do dai canh bén va d¢ dai canh ddy cua hinh chép. Tinh ¢.

A.t=£. B.t=1. C.t=£. D.t=—.
2 2 2

Loi giai tham khao
Tinh dwoc chiéu cao ctia khdichép h=50=a=1=5SA = i .Suyrat= g .

Cau 45. Cho hinh nén ¢6 dinh S, ddy 1a duwong tron tam O, ¢ ban kinh r = 5. Thiét dién
qua dinh 1a tam gidc déu SAB, canh bang 8. Tinh khoang cach d tir O dén (SAB).

_413 Bd:&/ﬁ J13

. C.d=—-. D. d=3.
3 4 3

Loi giai tham khao
Goi I la trung diém canh AB, dung OK vudng géc voi SI, OK =d(O,(SAB)).

sf

Tinh OI =3, SI == =44/3, SO =+/39, dung hé thitc lvgng trong tam giac vuong SOI,

3f

suy ra d =0K =

Cau 46. Cho tam giac ABC c¢6 dd dai cac canh lan luwot 1a 13, 14, 15. Mat cau (S) co ban
kinh R=5 tiép xtic v6i ba canh ctia tam giac véi cac ti€p diém nam trén ba canh do. Tinh
khoang céch d tir tim mét cau (S) dén mét phang (ABC).

Ad=2. B.d=2. C.d=2. D.d=3.
> 2

Loi giai tham khao
Mit phéng (ABC ) cat mat cau (S ) theo duong tron (C ) . Goi r la ban kinh cta duong

a+b+c:21

tron (C).Ta CO: S, 1nc :\/p(p—a)(p—b)(p—c) vOi p =
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Do d6, S, ,,. =84. Matkhactacéd: S, . = pr = r = 4. Khoang céch tir tim dén mit phang
(ABC) la: d=VR*-1* =3.

w BAI TAP TU LUYEN v

Cau 47. Cho mat cau duong kinh AB=2R. Goi I la diém trén AB sao cho Al =h. Mot
mat phang vudng géc véi AB tai I cat mat cau theo duong tron (C ) . Xac dinh vi tri diém

I dé thé tich trén dat gia tri 16n nhat.

Cau 48. Cho mat cau S(O,R) va mit phang (P), khoang cach tx O dén (P) bang R.
Mot diém M tuy y thudc (S), duong thang OM cat (P) tai N. Hinh chiéu cta O trén
(P) 1a I. Ménh dé nao dudi day la diing?

A.IN=R& ON=Ry2.

B. IN =R & ON =2V2R.

C. IN>R.
D. AOIN la tam gidc tu.
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Cau 49. Cho khéi cau (S) c6 ban kinh 7, S 1a dién tich mat cau va V la thé tich ctia khéi

cau. Ménh dé nao dudi day sai?

A.V:éme’. B. S=4xr*. C.rzl. D.rzﬂ.
3 3S S

Cau 50. Trong khong gian, xac dinh tap hop cdc di€m M nhin doan thang c§ dinh AB
duwdi mot goc vudng.

A. Tap hop chi c6 mot diém.

B. Mot duong thang.

C. Mot duong tron.

D. Mat cau duong kinh AB bé di hai diém A, B.

Cau 51. Cho hinh chép S.ABC c6 ddy ABC la tam gidc vudng tai B va SA vudng goc voi
(ABC) . Diém nao sau day la tam mat cau qua cac diém S, A, B, C?

A. Trung diém I cua AC. B. Trung diém ] cta AB.
C. Trung diém K cua BC. D. Trung diém M cta SC.
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Cau 52. Ménh dé nao sau day sai?
A. Bat ki mét hinh t& dién nao cling ¢ mat cau ngoai tiép.
B. Bat ki mot hinh hop ch nhat nao cling c6 mot mat cau ngoai tiép.
C. Bat ki mét hinh hop nao cling cé mot mat cau ngoai tiép.
D. Bat ki mot hinh chép déu nao ciing c6 mot mat cau ngoai tiép.

Céau 53. Ménh dé nao dudi day diing vé dién tich xung quanh cua hinh nén?
A. Tich cua do dai duong tron ddy va do dai duong sinh.
B. Tich cua d¢ dai duong tron day va do dai chiéu cao.
C. Hai lan tich cua d¢ dai duong tron day va d6 dai duwong sinh.
D. Mot ntra tich cua do dai dwong tron day va do dai duong sinh.

Cau 54. Puong thang d cat mat cau S (O;r) tai hai difm M, N sao cho khoang cach tr O

dén day cung bing % Tinh d6 dai MN .
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Cau 55. Cho mit cau S(I;R) va mit phang (P). Goi H la hinh chiéu cta tam I lén (P)
va d la khoang cach tir tam I dén (P ) . Ménh dé nao dudi day la diing?

A. Khi d >R thi Hndm trong mat cau. B.Khi d <R thi H thudc mét cau.

C.Khi d =R thi H thudc mat cau. D. Khi d < R thi thi H ndm ngoai mat cau.
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7A. TOA PO PIEM — VECTO’

w» Dang 94. P6 dai doan thang

Cau 1. Trong khong gian v6i hé toa do Oxyz, cho A(Z; 0;0), B(O; 3;1),C(—3; 6;4). Goi M
1a diém nam trén canh BC sao cho MC = 2MB. Tinh d6 dai doan AM .
A. AM=33. B. AM =247. C. AM=+29. D. AM=+30.

Loi giai tham khao
Goi M(x; y;z) 12 di€m nam trén canh BC sao cho MC = 2MB.
Suy ra M(—1;4;2). Suy ra AM = \/E

Cau 2. Trong khong gian vdi hé toa do Oxyz, cho A(l; 2;0),B(—1; 2; —1). Tinh &0 dai
doan AB.
A. AB=+5. B. AB=5. C. AB=1. D. AB=2.5.
Loi giai tham khao
AB=(-2;0;-1) = AB=1/(-2)> + 0% + (1) =/5.

». Dang 95. Toa do vecto

Cau 3. Trong khong gian véi hé toa do Oxyz, cho ﬁ(—Z; 5;3), l;(—4; 1; —2) . Tinh [ﬁ,lg]‘.
A. [a,z?]‘zx/ﬂ. B. [a,z?]:@. c. [ab]=v749. D. [ﬁ,ﬂ‘: 708 .

Loi giai tham khao

=749 .

ab]
Cau 4. Trong khong gian voi hé toa do0 Oxyz, cho 3 vecto a= (2; —1,'0), b= (—1,' —3;2),
c= (—2; -4, —3). Tim toa d0 ctia vecto u=2a-3b+c.

A. ;:(5;3;—9). B. ;:(—5;—3;9). C. ;tz(—3;—7;—9). D. ;4:(3;7;9).

Loi giai tham khao

Tinh 24 , —3b , E, cOng cac vecto vira tinh.

Cau 5. Trong khong gian véi hé toa d0 Oxyz, cho 3 diém A(2;1;4), B(2;2;—6),
C(6;0;-1). Tinh tich v huéng AB.AC.

A. ABAC=-67. B. AB.AC=65. C. ABAC=67. D. AB.AC=49.
Loi giai tham khao
AB =(0;1;-10), AC = (4;-1;-5) = AB.AC = 0.4 + 1.(=1) + (~10).(=5) = 49
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w Dang 96. Toa dd giao di€ém

Cau 6. Trong khong gian véi hé toa do Oxyz, cho duong thing A :x_—_?)2 = % =2 ; L . Tim
toa d6 diém M la giao diém ctia duong thang A véi mit phang (P) :x+2y—-3z+2=0.

A. M(5-1;-3).  B. M(1,0;1). C. M(2;0;-1).  D. M(-L,11).

Loi giai tham khao

MeAe MQ2-3tt;-1+2t); Me(P)=t=1= M(-L11).
Cau 7. Trong khong gian véi hé toa dd Oxyz, cho duong thang d: x=3_ y—+11 =§
mit phang (P):2x-y-z-7=0. Tim toa d6 diém M la giao diém ctia dudng thang d
va mit phang (P) .

A. M(3;-1;0). B. M(0;2;-4). C. M(6;—4;3).  D. M(1;4-2).

Loi giai tham khao

x-3 y+1 z 2x—z=6 x=3
1 -1 2& 2y+z=-2 = y=—1:>M(3,'—1;0).
2x-y-2z-7=0 2x-y—-z-7=0 z=0
x=1+2t
Cau 8. Trong khdng gian véi hé toa dd Oxyz, cho duwong thang d:1y=3—t, va mat
z=1-t

phang (P):x+2y—3z+2=0. Tim toa d6 dim A la giao diém ctia dudng thing d va
mat phang (P)

A. A(3;5;3). B. A(1;3;1). C. A(-3;5;3).  D. A(1,2;-3).
Loi giai tham khao
x=1+2t, (1)
y=3-t, (2

Ta c6 toa d6 giao diém A la nghiém ctia hé
z=1-t,  (3)

x+2y-3z+2=0 (4)
Lay (1),(2),(3)Thay vao (4) ta dwoc 1+2t +2(3—¢,)=3(1-t,)+2=0
Tim duoc t, =-2. Thay vao (1) = x =-3; thay vao (2) = y =5, thay vao (3) = z=3.
Vay A(-3; 5; 3).

Cau 9. Trong khong gian v6i hé toa do Oxyz, cho ba diém A(—l; 1;2), B(O; 1;1),C(1; 0;4)
x=-t
va duong thang d:{y=2+t. Tim toa d6 diém M 1a giao diém ctia mit phang (ABC ) va
z=3-t
duong thang d,
A. M(3;-1;6). B. M(-1;3;6). C. M(6;-1;3).  D. M(3;1;,-6).
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Loi giai tham khao
Toa d6 diém M la nghiém ctia hé bao gom phuong trinh duong thang d va phuong
trinh mat phang (ABC ) .

x-12 y-9 z-1
3 1
va mat phing (P) :3x+5y—z-2=0.Tim toa d0 diém M la giao diém ctia duwong thang

Cau 10. Trong khong gian véi hé toa &6 Oxyz, cho duong thang d :

d va mat phang (P)

A. M(1;0;1). B. M(0;0;-2). C. M(1;1;6). D. M(12;9;1).
Loi giai tham khao
1 9 , x=12+4t
Ta co: (d):x_ A :(d): y=9+3t
! ° ! z=1+t

ViM= (d) N (P) nén ta c6 hé phuong trinh:

x=12+4t x=12+4t x=0
Y = Y = Y :>M(O;0;—2).
z=1+t z=1+t z=-2

Bx+5y-z-2=0 |3(12+4t)+5(9+3t)—(1+4)-2=0 [t=-3

Cau 11. Trong khong gian voi hé toa do Oxyz, cho 3 dié’mA(3;—2;—2); B(3;2;0);
C(O; 2;1) . Tim toa d0 diém M sao cho MB =-2MC.

A M 1;2;E . B. M 1;—2;% . C. M 1;2;—z . D. M —1;2;g .
3 3 3 3

Loi giai tham khao

, - S S S Sy S G S . .2
Goi M(x,y,z). MB—(3 xX;2-y; z), MC (x,2 y;1 z).TmhdeQC M(1,2,3j.

Ciu 12. Trong khong gian v6i hé toa d6 Oxyz, cho cac diém A(3; —4;0); B(O; 2;4);
C(4; 2; 1). Tim toa d0 diém D trén truc Ox sao cho AD = BC.

A. D(0;0;0) hodc D(6;0;0). B. D(0;0;2) hodc D(8;0;0).

C. D(2;0;0) hodc D(6;0;0). D. D(0;0;0) hodc D(-6;0;0).

Loi giai tham khao
Goi D(x; O;O)

5 @(x—3;4;0)<:> A—Ij‘:\/(x—?))z +47 +07
BC(4;0;-3) ﬁ‘:5

Ta c
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Cau 13. Trong khong gian vdi hé toa do Oxyz, cho ba diém A(l; 1;1); B(—l; —1;0);
C(3;1,-1). Tim toa do di€m N trén mit phang (Oxy) sao cho N cach déu ba diém
A,B,C.

A. N(z;i;oj. B. N(2;0;0). C. N(Z;Z;Oj. D. N(0;0;2).
4 4

Loi giai tham khao
biém N(x;y;0). Tim x;y t& hé hai phwong trinh NA=NB=NC.

Cau 14. Trong khong gian véi hé toa d0 Oxyz, cho mat phéng (P) 2x—y—-z+4=0 va
A(2; 0;1),B(O; —2;3). Goi M 1a diém c6 toa dd nguyén thudc mat phéng (P) sao cho
MA = MB =3 . Tim toa d0 cua diém M.

6 4 12

A. M(; i 7]. B. M(0;-1;5). C. M(0;1;-3).  D. M(0;1;3).

Loi giai tham khao
Dat M(a;b;c). Diém M thudc mat phéng (P) ta dugc phuong trinh 2a-b—-c+4=0;
Hai phuong trinh con lai tit gia thi€t MA=MB va MA=3.

Cau 15. Trong khong gian v6i hé toa do Oxyz, cho ba diém A(O; 1;2), B(2; —2;1),
C(—Z; 0;1) va mat phéng (P) :2x+2y+2z-3=0. Toadd M thudc mat ph:fmg (P) sao cho
M cach déu ba diém A, B,C.

A. M(-7;3;2). B. M(2;3;-7). C. M(3;2;-7).  D. M(3;-7;2).

Loi giai tham khao
Dat M(x; y;z). Lap hé phuwong trinh ba dn x;y;z tit phuong trinh mit phang (P) va
diéu kién MA = MB, MA = MC.

Cau 16. Trong khong gian véi hé toa d¢ Oxyz, cho diém A(—4; 1;4) ; diém B co toa do

x+1_y-1 z+2

> : sao cho AB=+/27 . Tim toa d6 diém

nguyén thuoc duong thang d:

B.

A. B(-7;4;-7). B. B(-7,—4;7). C. B(-7;4;7). D. 3(173,—170 172j

Loi giai tham khao
Chuyén duong théng vé dang tham sd sau d6 dat toa d¢ diém B (—1 2t 1442+ 3t).
Tim t t&r phuong trinh khoang cach AB = J27 .
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= BAITAP TU LUYEN v

Cau 17. Trong khong gian véi hé toa dd Oxyz, cho mit phang (P) :x+y+z-3=0 va

. - 1 . g 2 .
duong thang 4: a n 2_ % = il Goi I la giao diém cua (P) voi duong thang d. Tim

toa d0 diém M thudc mat phfang (P) c6 hoanh do duwong sao cho IM vudng goc véi d

va IM =414
A. M(5;9;-11).  B. M(-3;-7;13).  C. M(59;11).  D. M(3;-7;13).

Cau 18. Trong khong gian vdi hé toa do Oxyz, cho tam giac ABC co A(3; 1;0), B(2; 0;2)

va trong tam G (% ;=1 %J . Tim toa d¢ dinh C ctia tam gidc ABC.

A. C(—4;,-40). B. C(-2;-2;1). C. C(1,-2:1). D. C(2;,-2;3).

Cau 19. Trong khong gian v6i hé toa dd Oxyz, Oxyz, cho hai diém A(4; 2;2), B(O; 0;7)

x-3_y-6_z-1 . C6 bao nhiéu diém C thudc duong thing d sao

va duong thang d:

-2 2 1
cho tam gidc ABC can tai dinh A?
A. 0. B. 1. C. 2. D. 4.
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Cau 20. Trong khong gian véi hé toa d6 Oxyz, cho duong thing d: x;l = y—+11 :§ va

cac diém A(l; —1;2),B(2; —1;0). Tim toa do diém M thudc duwong théng d sao cho tam
giac AMB vuong tai M.

A. M(1;-1,0) hodc M(Z;—ﬁ;gj. B. M(1,-1,0).
3" 3’3
C. M(Z;—é;zj. D. M(l;—l;O) hoac M(—Z;—g;g].
3" 33 3" 33

Cau 21. Trong khong gian véi hé toa d6 Oxyz, cho duong thing d: T "3 5

va A(-2;1;1), B(-3;-1,2). Goi M la diém thudc duwong théng d sao cho tam giac AMB cé
dién tich bing 3+/5 . Tim toa d6 diém M.

A. M(2;-1;5). B. M(-14;-35;19); M(2;1;5).

C. M(-14;-35;19). D. M(-14;-35;19); M(-2;1;,-5).
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Cau 22. Trong khong gian véi hé toa dd Oxyz, cho ba diém A(3; -2; —2), B(3; 2;0),
C(0;2;1). Tim toa do diém E thudc Oy dé thé tich tt dién ABCE bang 4.

A. E(0;4;0),E(0;-4;0). B. £(0;,-4;0).

C. E(0;4;0). D. E(0;4;).
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7B. PUONG THANG TRONG KHONG GIAN

w Dang 98. Vectd chi phuong cua duéng thang

x-1_y-2 z-3

Cau 1. Trong khong gian véi hé toa d6 Oxyz, cho duong thang (d) :

2 3 -4
Vecto nao dudi day la mot vecto chi phweong ctia dwong thang (d ) ?
A u=(1,2;3). B. u=(2;3;-4).
C. u=(-1,-2;-3). D. u=(-2-34).
x=2+t

Cau 2. Trong khong gian véi hé toa do Oxyz, cho duwong thang (d) y=1 . Vecto nao

z=3t-5
dudi day 1a mot vecto chi phuong ctia dudng thang (d)?
A u=(10;3). B. u=(2;1,-5). C.u=(L13).  D.u=(L1-5).

A N . LA N \ g x-2 y+3 z+1
Cau 3. Trong khong gian voi hé toa d0 Oxyz, cho duong thang (d) T T 3
Vecto nao dudi day la mot vecto chi phweong ctia dwong thang (d ) ?

A u=(1-23).  B.u=(2-3-1). Cu=(-1,2-3). D.u=(L-2-3).
Cau 4. Trong khong gian véi hé toa dd Oxyz, cho duong thing phuong trinh:
x=1+2t
(d) :dy=-t . Vectonao dudi day la mot vecto chi phwong ctia dueong thing (d) ?
z=5
A u=(2-15).  B.u=(2-10). C.u=(10;5.  D.u=(L-15).
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Cau 5. Trong khong gian vdi hé toa do Oxyz, cho hai diém M(2; 0; —1) va N(6; —6;1).
Phuong trinh nao duéi day 1a phuong trinh tham s8 ctia duwong thang A di qua M va

N?
x=-2+4t x=-2+2¢ x=2+2t x=4+2t
A.{ y=-6t . B.. y=-3t . C.{ y=-3t . D.{ y=-3t .
z=1+2t z=1+t z=-1+t z=2+t

Loi giai tham khao
Puong thing A di qua diém M (2; 0; —1) va N (6; —6;1) c6 vecto chi phuong

x=2+2t
a=MN = (4; —6; 2) = 2(2; -3; 1). Phuong trinh tham s6 ctia duwong thang A la: < y=-3t .
z=-1+t

Cau 6. Trong khong gian v6i hé toa d0 Oxyz, cho hai diém A(l; —2;1) va B(—l; 1;2).

Phuong trinh nao dwéi day la phirong trinh tham s§ ctia duong thang di qua A va B?

x=1-2¢ x=1-2¢t x=1-2¢t x=-1-2¢
A.y=-2+3t. B.{y=2+3t. C.{y=-2+3t. D. jy=-2+3t.
z=1+t z=1+t z=1-t z=1+t¢

Loi giai tham khao

x=1-2t
AB=(-2;3;1). Phuong trinh AB: <y = -2+ 3t.
z=1+t

Cau 7. Trong khong gian voi hé toa do Oxyz, cho hai diém A(Z; 1;3) va B(l; —2;1).
Phuong trinh nao dwéi day la phuwong trinh tham s ctia dwong thang (A) di qua A va
B?

A.(A).x—zzy—lzz—3 B (A).x+2:y+1:z+3
1 3 2 ] 3 2
C.(A)_x+1:y—2:z+1 D (A)_x—zzy—lzz—?)

! 3 2 N -2 1

Loi giai tham khao
Vi Buong thang (A) di qua 2 diém A(2,' 1; 3) va B(l,' -2; 1) nén co véc to chi phrong la
u=BA=(1;32).
Pong thoi duong thang (A) di qua diém A (2; 1; 3) nén c6 phuwong trinh la
(A) x—2 :y—1:Z—3
1 3 2
Céach khéc: Thay toa d ctia diém A va B vao phuong trinh duwong thing (A) , chi co dap

an A thoa man.
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Cau 8. Trong khong gian vdi hé toa do Oxyz, phuong trinh nao dwoi day la phuong trinh

tham s6 cua duong thing A di qua diém M (2;0;—1) va ¢6 vecto chi phuong
a=(4-6;2)?

x=-2+4t x=-2+2t x=2+2t x=4+2t
A. y=-6t B. Jy=-3t C.Jy=-3t D. jy=-6
z=1+2t z=1+t z=-1+t z=2—t

Cau 9. Trong khong gian vdi hé toa d0 Oxyz, phuong trinh nao dudi day la phuong
trinh ctia duong thang d di qua gdc toa d6 O va co vecto chi phuong U= (1; 2; 3) ?

x=0 x=1 X = x=—t
A.<y=2t. B.jy=2. C.Jy=2t. D. jy=-2t.
z=3t z=3 z=3t z=23t

Cau 10. Trong khong gian voi hé toa do Oxyz, phuong trinh nao dudi day la phuong
trinh tham s§ ctia dwong thang d di qua M(l; -2; 2016) va c6 vecto chi phuong

a(4;-6;2)?

x=1-4t x=1+4t x=4+t x=1+4t
A qy=-2+6t . B.jy=-2-6t . C.jy=-6-2t . D.<y=-6t
z=2016 -2t z=2016 +2¢ z=2+2016t z=2016 +2¢
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Cau 11. Trong khong gian v6i hé toa dd Oxyz, cho diém A(l; 2;3) va duong théng

cl:xT+1 :%: 2_23 . Phreong trinh nao duéi day la phuong trinh ctia duong thang di qua
diém A, vudng goc véi duong thang d va cat truc Ox ?
x—1:y—2:z—3 B x—2:y—2:z—3
2 2 3 1 2 3
x+1:y+2:z+3 D x+2:y+2:z+3
2 2 3 1 2 3

A.

C.

Loi giai tham khao
Goi B la giao diém cta duong thang A va truc Ox . Khi &6 B (b; 0; 0).
Vi A vudng goc véi duong thang d nén AB L u: (voi AB = (b -1,-2; —3),u: = (2; 1; —2))
Suy ra TB.LZ:OQb:—l.
Do d6 AB=(~2;-2;-3). Chon vecto chi phuong cho dudng thing A la u, =(2;2;3).

Phuong trinh duong thang A 1a & ; 1_y ; 2_z ; > .

Cau 12. Trong khong gian véi hé toa do0 Oxyz, cho diém A(l; 2;3) va hai duong thang
x-2 y+2 z-3 q x-1 y-1 z+1
2 o4 17 2

trinh ctia duong thang di qua A, vudng goc véi d, va cat d,?

d

. Pheong trinh nao duwdi day la phuong

x-1 y-2 z-3 x+1 y-2 z-3

A. B. .
1 -3 -5 1 3 -5

C.x+1:y—2:z—3. D.x—1:y+2:z—3‘
-1 -3 5 1 -3 5

Loi giai tham khao
Goi B lagiao diém ctia d va d,. Bed, = B(1-t;1+2t;-1+1).

d Ld < ABu =0=t=-1suyra B(2;,-1-2).

. _ I,
PT d diqua A va c vecto chi phuong AB =(1;-3;-5): x-1_y 273
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Cau 13. Trong khong gian v6i hé toa d6 Oxyz, cho hai duong thang :

x+7 y z-1

. va dzzx—zzy—1:z+2
4 1 1 3 -1 1
Phuong trinh nao duwdi day 1a phureong trinh ctia dwong thang di qua M (1; 2; —3) dong

d

thoi vudng goc véi d,, d,?

x=1+4t x=1+2¢ x=1+3t x=1+2¢
A.qy=2+t . B.jy=2-t . Ciy=2-t. D. jy=2+t
z=-3+1 z=-3-7t z=-3+t z=-3-7t

Cau 14. Trong khong gian véi hé toa dd Oxyz, cho diém A(Z; 1,'10) va duong thang d

-2
c6 phuong trinh: XTH:y—Z:E. Phuong trinh nao dwdi day la phwong trinh cua
duong thang di qua A vudng gdc va cat duong thang d ?
A x—2:y—1:z—10. B. x—2:y—1:z—10.
1 -3 -8 1 3 -10
C. x—1:y+1:z—3. D. x+1_y-1_ z+3
2 3 6 2 -3 6
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Cau 15. Trong khong gian véi hé toa do Oxyz, cho diém A(—4; —5;3), hai dwong thang
- 3 - 1 z- . . o oaac T
d1:x+1:y+3:z 2 va dzzx 2_y+l_z 1. Phuwong trinh nao dudi day la
3 -2 -1 2 3
hwong trinh ctia duong thing di qua A va cit duong thang 4., d, ?
P & & gdrq & & s 4,
A x+4 y+3 z-3

B x+4 y+5 z-3
3 2 -1 "5 4 7

C x+4:y+5:z—3 D x+4:y+5:z—3
-1 5 2 -2 3 2

Cau 16. Trong khong gian voi hé toa do Oxyz, cho diém A (0; 1; 1) va hai duong thang

x=-1
x-1_y+2 =z | N .
(A).T: T =1 va (d) y=2+t
z=3+t
Phuong trinh nao dwéi day 1a phuong trinh cia duong thang di qua A, vudng géc véi
(A) va cat duong thang (d') ?

1 2 1 a1 2
c X y+l_z+l p X_y-1_z-1
11 2 11 -
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Cau 17. Trong khong gian véi hé toa dd Oxyz, Viét phrong trinh duong thang d song

_ - R
song véi A:x+4:y 5_z+2 1 _y-2_z-6
—4 3 1 5

va cat hai duong thang d, : il

7

= Phuong trinh nao dudi day 1a phuong trinh cta duong thang song

x-6_y_ z-1
2

song véi va cat duong thang d,,d,?

A.x—2:y—3:3 B.x+2:y+3:£.
3 -4 1 3 -4 1
C.x+2:y—3:z—3. D.x+2: —325'
3 —4 1 3 -4 1

Cau 18. Trong khong gian véi hé toa do0 Oxyz, cho tam gidc ABC c6 cac dinh
A(l; —2;3), B(Z; 1;0),C(0; ~1; —2). Phuong trinh ndo duwéi day la phuong trinh duong cao
AH cta tam giac ABC?

A-x+1:y—2:z+3' B.x—zzy—lzi.
1 -2 3 -2 1 1

C x—l_y+2_z—3. D.x—1:y+2:z—3.
1 —4 5 1 4 -5
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Cau 19. Trong khong gian vdi hé toa do0 Oxyz, cho tam gidc ABC co A(1;1;2),
B(—Z; 3;1), C (3; —1;4). Phuong trinh nao dudi day la phwong trinh tham s6 cta duong

caokétlr B?

x=-2-t x=-2-t xX=-2+t x=2-t
A . Jy=3+t . B.<y=3+t . C.jy=3 . D.{y=3+t.
z=1+t z=1-t z=1-t z=1+t

Cau 20. Trong khong gian véi hé toa d0 Oxyz, cho diém M (1; 3; —2)Vé mat phéng
(P) :x—2y+3z+1=0. Phuong trinh nao dudi day 1a phuong trinh chinh tac cta duong
thang di qua M va vuong goc voi (P) ?

A.x—lzy—Szz—Z. B.x—1:y+3:z—2.
1 -2 3 1 -2 3

C x—1_y—3_z+2' D.x+1_y—3_z—2
1 -2 3 1 -2 -3

Cau 21. Trong khong gian véi hé toa do Oxyz, cho diem A (1; 4; —7) va mat phéng
(P ) :x+2y —2z-3=0. Phuong trinh nao dudi day l1a phuong trinh chinh tac ctia duong
thang di qua A va vuodng goc voi (P) ?

x—4:y—1:z+7 B x—1:y—4:z+7
1 2 -2 1 2 -2

x—4:y—1:z+7 D x—1:y—4:z—7
2 1 -2 1 2 2

A.

C.

Loi giai tham khao
Mit phang (P) 6 vecto phéap tuyén n=(2,-3,3) va diqua M (0; -1; 4).
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Cau 22. Trong khong gian véi hé toa do0 Oxyz, cho diém A(l; 2;3) va mit phang
(P) :2x +2y +2z+2017 =0. Phuong trinh nao dudi day la phuong trinh chinh tac cta
duong thang di qua A va vudng géc véi (P ) ?

x+1 y+2 z+3

x-1 y-2 z-3

A. B.

2 2 1 2 2 1
C.x—zzy—Zzz—l. D.x+2:y+2:z+1‘
1 2 3 1 2 3

Loi giai tham khao
Vecto chi phuong cua duong thing d 1a vecto phap tuyén ctia mat phang (P) nén

u: %:(2;2;1). Puong thing d di qua A(1;2;3) va cO vecto chi phuong la
x-1 y-2 z-3

2 1

Z = (2,' 2; 1) nén c6 phuong trinh chinh tac la

w BAI TAP TU LUYEN v

CAu 23. Trong khong gian véi hé toa dd Oxyz, cho mit phang (P) :x—-y+2z+3=0 va

x=4+t
duong thang d:{y=3-t. Phuong trinh nao dudi day la phuong trinh duong thang
z=t

thudc mit phing (P) , dong thoi cit va vudng goc voi duong thang d ?

x=3+t x=3+2t x=3+2t x=3+t
A.qy=4+t. B.jy=4+5t. C.iy=4+t. D. jy=4+t.
z==-1+t¢ z=-1 z=0 z=-1

Cau 24. Trong khong gian véi hé toa &6 Oxyz, cho mit phang (P) :x—2y+z-4=0 va

duong thing d:x;3:y+5:z—3

. Phuong trinh nao dudi day la phuwong trinh hinh

chidu vudng géc cia duong thang d 1én mat phang (P ) ?

X = x=-—t x=—t x=—t
A Jy=-t . B. jy= . Cy= . D. Jy=t
z=4-3t z=4-3t z=4—-4¢ z=4+4t
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Cau 25. Trong khong gian v6i hé toa do Oxyz, cho diém M(l; 2;1), duwong théng
x=1+t

d:3y=2t
z=-1

va mat phang (P) :2x+y—2z—-1=0. Phrong trinh nao duéi day la phuong

trinh dwong thang di qua M, song song véi (P) va vudng gbc véi duong thang d ?

x=1+4t x=1+3t x=1-3t x=1-4t
A qy=2-2¢t. B.{y=2+2t. C.iy=2-2t. D. Jjy=2+2t.
z=1+3t z=1-4¢ z=1-4¢ z=1+3t

Loi giai tham khao
Puong thing qua diém M va cé vecto chi phwong la vecto tich ¢6 hiedng ctia vecto chi
phuong ctia dwong thang d va vecto phap tuyén ciia mit phang (P ) .

Cau 26. Trong khong gian voi hé toa dd6 Oxyz, cho diém A(l; 2;4), mit phang
, — ) _
(P):2x+y+z—4=0 va duong thang A: x32 = yl = 252. Phueong trinh nao dudi
day la phuwong trinh dweong théng di qua A song song véi (P) va cit duong théng A?
x=1+t x=1-t x=1-2¢ x=1+2¢
A. y=2 . B. y=2 . C. y=2 . D. y=2
z=4 -2t z=4-2t z=4+2t z=4+2t
Loi giai tham khao

Goi giao diém ctia d va A 1a B(2+34;2+t;2+5¢). Tim ¢ ti gia thiét ABn=0, véin la

vecto phép tuyén ctia mat phang (P).

Cau 27. Trong khong gian véi hé toa dd Oxyz, cho diém A(l; 2; —1), duong
(d):x;2:%:Z;2 va mit phang (P):2x+y—z+1=0.Phurcmg trinh nao dwoi day la
phuong trinh duong thang di qua A, cit (d) va song song voi (P) ?
x:1+zt x:1+zt le—zt le—zt
3 3 3 3
A.Jy=2+3t B. jy=2-3t C.{y=2+3t D. y=2-3t
z=—1+§t z=—1—Et z:—1+Et z:—l—ét
3 3 3 3
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Loi giai tham khao
Goi (Q) 1a mat phang qua A va song song véi (P) , suy ra phwong trinh mp (Q) :
2x+y—-z-5=0
Goi B=(d)n(Q)= B(E;—l;—ﬁj.
3 3

Tacé AB= Z;—3;—E .
3 3

(A) 1a duong thang qua A, B, phuong trinh duwong thang (A) la: yy=2-3t

Cau 28. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) 2x+y+z-4=0 va

x-3 y-2 z-6 Xx=6_y_z-1
2 1 577 3 2 1
day 1a phwong trinh dwong thang thudc mit phing (P) , dong thoi cit hai duong thing

d, d,?

hai duong thang d, : . Phrong trinh nao duwdi

A'd:x—lzy—lzz—l. B.d:x—lzy—lzz—l.
—1 2 -3 2 -3 -1
x—lzy—lzz—l' D.d:x—lzy—lzz—l.
-3 2 -1 2 -1 -3

C.d:

Loi giai tham khao
Goi A, B Tan luot 1a giao diém cua d,, d, véi mit phing (P)

Duong thang d can tim di qua A va B.

Cau 29. Trong khong gian véi hé toa &6 Oxyz, cho mat phang (P) :x—2y+2z-5=0 va
hai diém A (—3,' 0; 1) ;B (1; =iz 3) . Phuong trinh nao duéi day 1a phuong trinh duwong thang
di quan A, song song vdi (P) sao cho khoang céch tir B dén d 1a16n nhét?

A.x+3:l:z—1‘ B.x—1:y+1:z—3‘
1 2 2 1 =2 2

C.x+3:l:z—1. D.x+3:l:z—1.
3 —2 2 1 -1 2

Loi giai tham khao
Khoang cach tir B dén duong thang d 1a 16n nhat néu AB vudng géc véi d.

Puong thang d di qua A va nhan vecto phap tuyén la [Zﬁ,ﬂ véi 1 1a vecto phap

tuyén ctia mit phang (P).
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X =
Cau 30. Trong khong gian véi hé toa d6 Oxyz, cho hai duong thing d:Jy=—4+t
z=-13+2t
x=-7+3t'
d':{y=-1-2t". Phuong trinh nao duéi day la phuong trinh duong thang cat d;d’, dong
z=38
thoi vudng goc véi mat phang toa do (Oxz) ?
3 3 3 3
x=—— x=—— x== X==
7 7 7 7
25 25 25 25
A. =—+t. B. =——+t. C. =——+t. D. =——1.
s 7 s 7 s 7 s 7
18 18 18 18
z=— z=— Z=— Z=—
7 7 7 7

Loi giai tham khao
Goi toa dd giao diém cua duong thang va hai duong thang d va d’ Tan luot 1a
A(t;=4+t;-13+2t),B(-1+3t',-1-2¢;8) , Tim + va ¢ tir diéu kién AB cling phuong

vOi vecto ; = (0; 1; O) la vecto phap tuyén cua (Oxz).
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Cau 31. Trong khong gian v6i hé toa d6 Oxyz, cho hai duong thang:

x=1+mt x=1-t'
(d): y=t va (d’): y=2+2t'
z=-1+2¢ z=3-t'

Tim tat ca cac gia tri caa m dé€ (d) cat (d').

A.m=0. B. m=1. C.m=-1. D. m=2.

Loi giai tham khao
Vi hai VTCP khong cung phuong nén (d ) va (d’) cat nhau khi hé c6 nghiém.

Giai hé t duwoc m =0.

Cau 32. Trong khong gian véi hé toa do Oxyz, cho diém A(—4; —2;4) va duong thang
x=-3+2t

d:Jy=1-t .Phuong trinh nao duwdi day la phuong trinh duong thang di qua A, dong
z=-1+4t

thoi cat va vudng goc véi duong thang d ?

A.A:x+4:y+2:2_4. B.A:x+4:y+2:2_4.

3 2 -1 -1 4 9
C.A:x_4:y+2:2_4. D.A:x+4:y+2:2_4.
3 -2 -1 3 2 1

Loi giai tham khao
Tim toa dd hinh chiéu H vuodng goc ctia diém A xudng d . Puong thang can lap di qua
A, H.

CAu 33. Trong khong gian véi hé toa &6 Oxyz, cho hai duwong thang

x =4t
(1): 222 =222 228 va @)y =1+6t . Ménh dénio sau day 1a diing?
- z=-1+4¢
A. (d) va (d') song song vdinhau. B. (d) va (d') trung nhau.
C. (d) va (d') cit nhau. D. (d) va (d') chéo nhau.

Loi giai tham khao
Duong thang (d) ¢ véc to chi phuong la U= (2; 3; 2) va duong thang (d) di qua diém
M(2;-4;1).
Puong thing (d') cd véc to chi phueong la u'= (4; 6;4) va duong thang (d') di qua diém
M'(0;1;-1).
Ta c6 hai véc to u = (2,3;2) va u'= (4,' 6;4) cung phrong va M(Z; —4;1) khong nam trén
dudng (d').
Nén (d) va (d') song song vdinhau.
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x=-3+2t
Cau 34. Trong khong gian véi hé toa &6 Oxyz, cho hai dwong thingd:{y=-2+3t va
z=6+4t
x=5+t
d':{y=-1-4t'. Ménh dé nao sau day la diing?
z=20+t'
A.Duong thang d tring véi duong thang d'.
B. Hai duong thang d va d' chéo nhau.
C. Duong thang d song song véi duong thang d'.
D. Duong thang d cat duong thang d'.
Loi giai tham khao
—3+2t=5+t
Xéthé {—2+3t=-1-4t.
6+4t =20+t
x=1+2t
Cau 35. Trong khdng gian véi hé toa d6 Oxyz, cho hai duong thang: d, : 1y =2+3t va
z=3+4t
x=3+4t'
d,:qy =5+6t'. Ménh dé nao sau day la diing?
z=7+8t'
A.d Ld,. B.d =d,. C.d//d,. D. d,,d, chéo nhau.
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7C. MAT PHANG TRONG KHONG GIAN

w» Dang 101. Vecto phap tuyén ciia mat phang

Cau 1. Trong khong gian véi hé toa dd Oxyz, cho mit phang (P) :2x-y+5=0. Vecto

nao dudi day 1a mot vecto phap tuyén cia mat phang (P) ?
A n=(2-1,1).  B.n=(2-10). C.n=(20;-1). D.n=(2-15).

Loi giai tham khao

Mbt vecto phap tuyén ctia mat phang (P) lan= (2;-1; 0).

Cau 2. Trong khong gian vdi hé toa do Oxyz, cho mat phéng (P) :2x—-2z+2z+2017=0.
Vecto nao dudi day la mot vecto phap tuyén ctia mit phang (P) ?

A n=(1-22).  B.n=(L-14). C.n=(-22-1). D.n=(221).
Loi giai tham khao

Mot vecto phap tuyén ctia mit phang (P) 1a n= (22 —1) :

w BAI TAP TU LUYEN v

Cau 3. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) :—2y+z-3=0. Vecto
nao dudi day 1a mot vecto phap tuyén cia mat phang (P) ?

A n=(-21-3). B.n=(0;1-3). C.n=(0;-2;-3). D.n=(0;-21).

Cau 4. Trong khong gian voi hé toa do0 Oxyz, cho mat phéng (P) di qua ba diém
A(1;2;3), B(O;l;l), C(l;O;O). Vecto nao dudi day la mot vecto phap tuyén cua mat
phéng (P)?

A n=(,3-2). B. n=(-13-2). C. n=(L-3-2). D. n=(1-32).
Cau 5. Trong khong gian véi hé toa dd6 Oxyz, cho mit phang (P) di qua ba diém
A(l; 2;1), B(Z; 0;1) va C(O; 1;2). Vecto nao dudi day la mot vecto phap tuyén ctia mat
phéng (P)?

A n=(2-1;-3). B.n=(211). C.n=(213).  D.n=(-2-11).
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Cau 6. Trong khong gian vdi hé toa dd Oxyz, cho ba diém M(5; 1;3), N(l,‘ 6;2),P(2; 0;4)
Phuong trinh nao duwdi day la phreong trinh mét phing di qua ba diém M, N, P?
A. 4x+7y+192-84=0. B. 4x-7y+19z-84=0.
C.4x+7y-19z-84=0. D. 4x+7y+19z2+84=0.

Loi giai tham khao
MN =(~4;5;-1), MP =(-3;-1;1), | MN, MP | = (4;7;19)

Phuong trinh mp (MNP): 4(x-5)+7(y—-1)+19(z-3) =0 < 4x+7y+19z -84 =0.

Cau 7. Trong khong gian v6i hé toa do Oxyz, cho ba diém A(3;O;O),B(—l;l;l),C(—B;l;Z) .
Phuong trinh nao dwéi day la phrrong trinh mit phang di qua ba diém A, B,C ?

A 2x+y+2z-2=0. B. x+y+2z-3=0.

C. x+2y+z-3=0. D. x+2y+2z-3=0.

Loi giai tham khao
AB = (—4;1;1);A—C = (—6,'1;2)
| 4B, AC |- (1,2;2)

Phuong trinh mat phang (ABC) cddang: x-3+2z+2y=0=x+2y+2z-3=0.

Cau 8. Trong khong gian voi hé toa dd6 Oxyz, cho ba diém A(—l; 2;3), B(Z; —4;3),
C(4; 5;6). Phuong trinh nao dwdi day 1a phuong trinh mit phang di qua ba diém
A,B,C?

A. 6x+3y-13z+39=0. B. 6x+3y—-13z+39=0.

C. -6x+3y—-13z+39=0. D. 6x+3y-13z=0.

Loi giai tham khao
Tacd AB = (3,' —6;0),A—C = (5; 3;3) = [ZB,X@} = (—18; -9; 39) = —3(6; 3; —13)
Do do mp(ABC) di qua A(—l; 2;3) nhan vecto nT = (6; 3; —13) lam VTPT nén c6 phuwong

trinh:
6(x+1)+3(y—2)-13(z-3)=0< 6x+3y—13z+39=0.
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= BAITAP TU LUYEN v

Céu 9. Trong khong gian véi hé toa do Oxyz, cho ba diém A(l; 6;2), B(5; 1;3),C(4; 0;6)
Phuong trinh nao dwéi day la phrrong trinh mit phang di qua ba diém A, B,C?

A. 14x+13y +9z+110=0. B. 14x +13y +9z-110=0.

C. 14x-13y+9z-110=0. D. 14x+13y-9z-110=0.

Cau 10. Trong khong gian véi hé toa do Oxyz, cho ba diém A(1;1;1), B(4;3;2),

C(5; 2;1). Phuong trinh nao duwéi day la phuong trinh mat phing di qua ba diém
A,B,C?

A x-4y+5z+2=0. B. x+4y+5z-2=0.
C.x-4y-5z-2=0. D. x+4y—-5z+2=0.

Cau 11. Trong khong gian voéi hé toa do Oxyz, cho ba diém A(l;O;O),B(O;Z;O),

C(O; 0;3). Phuong trinh nao duwdéi day la phuwong trinh mit phing di qua ba diém
A,B,C?

A x+2y+3z-1=0. B.2+L+Z-0.
1 2 3

C. 6x+3y+2z-6=0. D.2+4 21,
321
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Cau 12. Trong khong gian vdi hé toa do Oxyz, cho ba diém A(l; 0; 1), B(l; 1;2), C(Z; 1;1).
Phuong trinh nao dwéi day la phrrong trinh mit phang di qua ba diém A, B,C ?

A. x-y+z-5=0. B. -x+y+z=0.
C.x+y-z=0. D.x-y+z-2=0.

Cau 13. Trong khong gian véi hé toa dd Oxyz, cho diém M (1; 2;3). Phuwong trinh nao

dudi day la phwong trinh mat phang di qua ba diém A, B,C Ian luot 1a hinh chiéu vudng
goc cua diém M lén céc truc toa do Ox, Oy, Oz.

A. 6x+3y+2z-6=0. B. >

C. 2x+y-z+1=0. D. x=0.

Cau 14. Trong khong gian voi hé toa do Oxyz, cho ba diém A(l;O;O), B(O;—Z;O),

C(O; 0,3). Phuong trinh nao dwdéi day la phuwong trinh mit phing di qua ba diém
A,B,C?

A x-2y+3z=1. B. X+ L 26,
1 2 3
c ti+di 2o, D. 6x-3y+2z=6.
12 -3
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= Dang 103. PT mat phang di qua 1 diém va vuéng
goc véi duong thang (mat phang) cho trudc

Cau 15. Trong khong gian véi hé toa do Oxyz, cho ba di€ém A(Z; 1; —1), B(—l; 0;4),
C (O; = —1). Phuong trinh nao dudi day la phuong trinh mat phang di qua A va vuong

gbc v6i duong thang BC?
A. x-2y-5z+5=0. B. x-2y-5z=0.
C.x-2y-5z-5=0. D. 2x-y+5z-5=0.

Loi giai tham khao
BC(1;,-2;-5)
Mit phing vudng géc véi BC ¢ dang x -2y —5z+c=0 va di qua diém A (2; 1; —1)
Nén 2-21-5.(-1)+c=0=>c=-5.
Vay phuong trinh mét phang can tim la: x — 2y -5z - 5=0.

Cau 16. Trong khong gian vdéi hé toa do Oxyz, cho ba diém A(1;0;2), B(3;1;4),
C (1; 2; —1). Phuong trinh nao dudi day la phuong trinh mat phang di qua diém C va

vuong goc voi AB?
A. 2x+y+2z-6=0. B. 2x+y+2z-15=0.
C. 2x+y+2z-2=0. D.2y-3z-4=0.

Loi giai tham khao
AB = (2; 1;2), mp(P) vuong goc AB qua C c6 phuong trinh: 2x+y+2z-2=0.

Cau 17. Trong khong gian véi hé toa do Oxyz, cho hai diém A(l; 2;3) va B(2; —1;2)
Phuong trinh nao duwdi day la phuong trinh mit phang di qua A va vudng goc véi
duong thang AB?

A. x-3y-z+8=0 B. x-3y-z+2=0

C.x+y-2z+1=0 D. x+y-2z-1=0

Loi giai tham khao
Mit phang (P) qua A (1; 2; 3) vanhan AB (1; -3; —1) lam vecto phdp tuyén nén phuong
trinh mat phéng (P) la: x -3y -z+8=0.

Cau 18. Trong khong gian voi hé toa do Oxyz, cho hai diém A (—1; 0; 1) va B (2,' 1; O).
Phuong trinh nao duwéi day la phuwong trinh mat phang di qua A va vudng géc AB?
A.(P):3x+y-z+4=0. B. (P):3x+y-z-4=0.

C.(P):3x+y-z=0. D. (P):2x+y-z+1=0.

Loi giai tham khao
AB = (3; 1; —1), (P)nhén AB = (3; 1; —1) lam vector phap tuyén nén (P) :3x+y—-z+4=0.
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Cau 19. Trong khong gian v6i hé toa do Oxyz, cho hai diém A(Z; 1;1) va B(O; —1;3).

Phuong trinh nao duwdi day la phreong trinh mit phang trung triec ciia doan AB?
A. x+y-z+1=0. B. 2x-2y+2z+4=0.
C.x+y-z+2=0. D. 2x+2y-2z-2=0.

Cau 20. Trong khong gian véi hé toa do Oxyz, cho hai diém A(l; 0;1) va B(Z; 1;1).

Phuong trinh nao dwéi day la phuong trinh mit phing di qua B va vuong goc véi AB?
A.x+y-1=0. B. x+y-3=0. C.x+y+1=0. D. x+y+3=0.

Cau 21. Trong khong gian vdi hé toa dd Oxyz, cho hai diém A(l; 0; —1) va B(3; 2; —1).
Phuong trinh nao duwdi day la phreong trinh mét phing di qua trung diém ctia AB va
vudng gdc v6i duong thang AB?

A . x+y-3=0. B. x+y-3z=0. C. x+3y=0. D. y+3z=0.
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x=1-3t
Cau 22. Trong khong gian v6i hé toa d6 Oxyz, cho duong thang (d) Hy=2+t .
z=3+2t

Phuong trinh nao duwéi day 1a phuong trinh mat phang di qua A (—1; -2; 1) va vudng goc
véi duong thang (d ) ?
A.(P):x+2y+3z+2=0. B.(P):-3x+y+2z+3=0.
C.(P):-3x+y+2z-3=0. D. (P):x+2y+3z-2=0.

Cau 23. Trong khong gian voi hé toa d0 Oxyz, cho hai diém A(Z; -3; —1) va B(4; —1;2).

Phuong trinh nao dwéi day 1a phrrong trinh mit phang trung truc ciia AB?

A. 2x+2y+3z+1=0. B. 4x—4y—6z+1?520.
C.x+y-z=0. D. 4x+4y+6z-7=0.

Cau 24. Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(l; 1;1) va B(Z; —1;0).

Phuong trinh nao duwdi day 1a phiong trinh mit phang di qua A va vudng goc véi AB?
A x-2y-z+2=0. B. x-z+2=0.
C.x-2y-z=0. D. x-2y-z-4=0.
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= Dang 104. PT mat phang di qua 2 diém va song
song vai duong thang (mat phang) cho trudc

Cau 25. Trong khong gian véi hé toa do Oxyz, cho hai diém A(l; 0;1) va B(—l; 2;2).
Phuong trinh nao duéi day la phuong trinh mat phang di qua A, B va song song vdi truc
Ox?

A. x+2z-3=0. B.y-2z+2=0.
C. 2y-z+1=0. D. x+y-z=0.
Loi giai tham khao

Tinh tich c6 hudng cta hai vecto [Zé,z?} = (0,' 1; —2) , suy ra phuong trinh mit phang can
timla y-2z+2=0.

Cau 26. Trong khong gian v6i hé toa d6 Oxyz, cho hai diém A(4; -1; 1) va B(3; 1; —1).
Phuong trinh nao duwéi day la phiong trinh mét phing di qua A, B va song song vdi truc
Ox?

A. x+y=0. B. x+y+z=0. C.y+z=0. D. x+z=0.
Loi giai tham khao

PT mp(P) c6 dang: By+Cz+D =0. Thay toa d6 diém A, B ta dugc D=0
Vay PTmp(P): y+z=0.

Cau 27. Trong khong gian v6i hé toa dd6 Oxyz, cho hai diém A(—l; 1; —5) va B(O; 0; —1).

Phuong trinh nao dwéi day 1a phuong trinh mat phang di qua A, B va song song voi
Ox?
A. x+y=0. B. —x+y=0. C.x+z=0. D.4y+z+1=0.

Loi giai tham khao
Tim dwgc vecto phap tuyén n= [ZB,;J = (O; 4; 1).

w BAITAP TU LUYEN v

Cau 28. Trong khong gian vdi hé toa d0 Oxyz, cho hai diém A(l; —1;5) va B(O; 0;1).

Phuong trinh nao dudi day la phuong trinh mit phang di qua A, B va song song véi truc
Oy?

A.dx+y-z+1=0. B.2x+z-5=0.

C.4x-z+1=0. D. y+4z-1=0.
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Cau 29. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P) :2x-y+3z-7=0 va
diém A(—l; 2;5). Phuong trinh nao duwdi ddy 1a phuong trinh mat phang di qua A va
song song voi (P) ?

A. 2x-y+3z-11=0. B. 2x-y+3z+11=0.

C. 2x-y+3z+15=0. D. 2x-y+3z-9=0.

Cau 30. Trong khong gian véi hé toa d0 Oxyz, cho diém A(l,‘ 5;7) va mat phéng
(P): 4x -2y +z—-3=0. Phrong trinh nao dwdi day la phueong trinh mit phang di qua
diém A (1; 5; 7) va song song v6i mat phang (P) ?
A. 4x-2y+z+3=0. B. 4x-2y+z+1=0.
C.4x-2y+z-1=0. D. 4x-2y+z-2=0.

Cau 31. Trong khong gian vdi hé toa do Oxyz, cho A (—2; 4; 3) va mijt phing
(P) :2x -3y + 62z +19 = 0. Phuong trinh nao dudi day 1a phuong trinh mat phang di qua
A va song song v6i mat phang (P ) ?

A. 2x-3y+6z=0. B. 2x+3y+6z+19=0.

C. 2x-3y+6z-2=0. D. 2x-3y+6z+1=0.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |HIRR




= Dang 105. PT mat phang di qua 2 diém va vuéng
goc vai duong thang (mat phang) cho trudc

Cau 32. Trong khong gian véi hé toa do Oxyz, cho hai diém A(Z; 4;1), B(—l; 1;3) va mat
phing (P):x-3y+2z-5=0.Phuong trinh nao dudi day la phuwong trinh mit phang di
qua hai diém A, B va vudng gdc v6i mit phang (P ) ?

A. 2y+3z-11=0. B. y-2z-1=0.

C. 2y-3z-11=0. D. 2x+3y-11=0.

Loi giai tham khao
Ta co: AB=(-3;-3;2). ny, = (1,-3;2) =| AB,n,, |=(0;8;12).

Chon Mg = (0;2;3)
Phuwong trinh mat phéng (Q) :2y+3z-11=0.

Cau 33. Trong khong gian véi hé toa do0 Oxyz, cho hai diém A(l; 2;3), B(Z; -1; —1) va
mat phang (P ) :x—y—2z-3=0. Phuong trinh ndo dudi day la phuong trinh mit phang
di qua hai diém A, B va vudng géc véi (P)?

A.x-y+z-6=0. B. x-y+z-4=0.

C.x-y+z-2=0. D.x-y+z+2=0.

Loi giai tham khao
AB=(1;,-3;-4)
Mot vecto phap tuyén ctia mit phing (Q): n = (L-1; —2).
Do dé mp(P) c6 mot vecto phap tuyén la p= [E,ﬂ = (2; -2;2)

= Phuong trinh tong quat cuia mp(P) cx—-y+z-2=0.

Cau 34. Trong khong gian véi hé toa do Oxyz, cho hai diém A(3; 1; —1), B(Z; —1;4) va
mat phang ( ,B):Zx—3y+z+5:O. Phuong trinh nao dudi day la phuong trinh mat
phang di qua hai diém A, B va vudng géc véi (P) ?

A. x+13y+5z+5=0. B. x+13y-5z+5=0.

C. x-13y+5z+5=0. D. x-13y-5z+5=0.

Loi giai tham khao
Mit phang can tim di qua diém A va nhan vec to phéap tuyén la [Zé,ﬂ véi n vec to

phap tuyén cua mit phing ().
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Cau 35. Trong khong gian véi hé toa do Oxyz, cho hai diém A(Z; —1;4), B(3; 2; —1) va

mat phang (P) : x+y+z-3=0. Phuong trinh nao duéi day 1a phuong trinh mat phang
di qua hai difm A, B va vuong goc voi (P) ?

A. 1lx+6y-2z-20=0. B. 11x+6y +2z+20=0.

C. 1lx-6y-2z-20=0. D. 11x-6y+2z+20=0.

Cau 36. Trong khong gian véi hé toa do Oxyz, cho hai diém O(O; O;O),A(3; O;1)Vé mat
phang (P) : X+ 2y —2z+5=0. Phuong trinh nao duéi day la phuong trinh mit phing di
qua hai diém O, B va vuong goc voi (P) ?

A. 2x-7y-6z=0. B. 2x+4y—-6z=0.

C. 2x-7y+6z+1=0. D. x+y+z-4=0.

Cau 37. Trong khong gian véi hé toa dd Oxyz, cho hai diém M(l; 0;1), N(S; 2;3) va mat
phang (P) :2x -y +2z -7 =0. Phuong trinh nao dudi day la phuong trinh mat phang di
qua hai diém M, N va vudng goc vdi (P)?

A. x-2z+5=0. B. x-2z+1=0. C.x-2z+1=0. D.2x-z+1=0.
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Cau 38. Trong khong gian véi hé toa do Oxyz, cho diem A (3; -1; —5) va hai mat phéng
(P) : 3x-2y+2z+7=0, (Q) : 5x —4y +3z+1=0. Phuong trinh nao dudi day la phuong
trinh m3t phang di qua A va vudng goc véi (P ) ,(Q) ?

A. x+y+z+3=0. B. 2x+y-2z-15=0.

C. 2x+y-2z+15=0. D. 2x+y-2z-16=0.

Loi giai tham khao
u,(3,-2;2), u, (5;-4;3)

- -2 2/ 2 33 2 -
n:( D:n(Z;l;—Z)
-4 33 55 4

(a) 1a mat phang di qua diém A (3; -1; —5) va vuodng goc véi hai mat phang (P) va (Q)
Co dang;: 2x+y—22+c=0:>2.3—1—2.(—5)+c:O:>c:—15.
(a):2x+y-2z-15=0.

7

4

Céu 39. Trong khong gian v6i hé toa 4o Oxyz, cho dudng thing d: x; B

2
diém A(Z; 5;3). Phuong trinh nao dudi day 1a phuong trinh mgt phang (P) chtta d va
khoang céch tir A dén (P) 1a16n nhét?
A. x+4y+z-3=0. B. x-4y+z+3=0.
C.x-4y-z-3=0. D. x-4y+z-3=0.

Loi giai tham khao
Goi H la hinh chiéu vuong goc ctia A trén 4. Khi do6 H(l +2512+ Zt).
Tacé AH Lu, (véi AH =(2t-1;¢-52t-1), u, =(2,1;2)) Nén AHu, =0 t=1
Suy ra AH =(1;,-4;1), H(3;1;4)
Mit phang (P) chita d va khoang cach tir A dén (P) 16n nhat khi (P) di qua H(3;1;4)
va nhén vecto AH = (1; —4; 1) lam vecto phép tuyén. Phuong trinh mit phang (P ) la
1(x-3)-4.(y-1)+1.(z-4)=0=x-4y+2z-3=0

Cau 40. Trong khong gian véi hé toa do Oxyz, cho diém A(lO; 2; —1) va duong thang
x-1_y_z-1

0 Phuong trinh nao dudi day la phuong trinh mat phang (P) di qua

A, song song vdi d va khoang cach tir d téi (P) 1a 16n nhat?
A.7x+y-5z-77=0. B.7x-y-5z2-77=0.
C.7x+y+5z-77=0. D.7x+y-5z+77=0.

Loi giai tham khao
Goi H 1a hinh chiéu ctia A trén d, mt phang (P) diqua A va (P) //d, khi d6 khoang
cach gitta d va (P) la khoang cach tiv H dén (P)
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Gia st diém I 1a hinh chi€u ctia H 1én (P), ta c6 A4H > HI=>HI 16n nhatkhi 4 =1
Vay (P ) can tim la m§t phang di qua A va nhan AH 1am véc to phap tuyén.

Hed= H(+2t;t;1+3¢t)vi H la hinh chiéu cua A trén d nén
AH 1d = AHu =0 (u = (2;1;3)1a véc to chi phuong cta d) = H(3;1;4) = AH(-T;-1;5)

Vay (P): 7(x-10)+(y-2)-5(z+1)=0 < 7x+y-5z-77 =0.

Cau 41. Trong khong gian véi hé toa do Oxyz, cho diém M(—Z; 1;0) va duong thing
x-2 y-1 z-
1 -1
va chtta A?

A x-7y-4z+9=0. B. 3x-5y-4z+9=0.

C.2x-5y-3z+8=0. D. 4x-3y-2z+7=0.

Loi giai tham khao

Duong thing A qua N(2;1;1) va c6 véc to chi phuong la 1= (1-1;2). Mt phang (P)

A L . Phuweong trinh nao dwéi day la phwong trinh mit phang di qua M

qua M va cé véc to phap tuyén la |:;t, W} .

CAu 42. Trong khong gian véi hé toa dd Oxyz, cho hai mat phang (a) x+y+z-3=0,
( ﬂ) :2x—y+2z-12=0. Phuong trinh nao dudi day la phwong trinh mt phang (P)
vuong goc voi (a) va ( ,B) dong thoi khoang cach tir M(Z; —3;1) dén mat phang (P)
bang Ji4?

A. C6 hai mgt phang thda man la (P):x+2y—3z+16 =0 va (P):x+2y—3z—12:O.

B. C6 hai mit phing thoa méan 1a (P):2x+y-3z-16=0 va (P):2x+y-3z+12=0.

C. C6 hai mit phang thoa man la (P):2x+y—3z+16:0 va (P):2x+y—3z—12 =0

D. C6 mdt phang thoa man la (P) :x+2y—-3z-16=0.

Loi giai tham khao
Vector phap tuyén ctia (P) 1a n= (2; 1; —3) mat phang (P) co dang:
(P):2x+y—-3z+D=0

:‘2.2—3—3.1+D‘:\/ﬂ:> D=16

Kho4 ach d .
oang cac (M,(P)) \/22 e (_3)2 D=-12

Cau 43. Trong khong gian véi hé toa do Oxyz, cho hai mat phéng
(P): 2x+y+mz-2=0 va (Q): x+ny+2z+8=0. Tim gia tri cha m va n dé (P) song
song vai (Q)

A.m:2,n:l. B.m:4,n:1. C.m:4,n:l. D.m:Z,n:l.
2 4 2 4
Loi giai tham khao
Ta co g:lzﬂzm:Zn:l.
1 n 2 4
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Céau 44. Trong khong gian véi hé toa dd Oxyz, cho duong thang A, :{y=-1-t va

z=2
duong thiang A, : x—13 :yT_lz?. Phuwong trinh nao duwdi day la phuong trinh mat
phang chita duong thang A, va song song véi A,?
A x+y-z+2=0. B. x-y-z+2=0.
C.x+y+z+2=0. D.x-y-z+2=0.

Loi giai tham khao
A, diqua M, (L,-1;2) 6 VICP u, =(1,-1,0).
A, di qua M, (3;1;0) 6 VICP u, =(~1;2;1). Li luan mp(P) nhan VPPT la
n=u A, =(-1-11).

Phuong trinhmp(P): x+y-z+2=0.

Ciu 45. Trong khong gian véi hé toa d6 Oxyz, cho hai duwong thang

=R e S e I e I B im0l doila Ay L phzon s
2 1 3 2 7—1 4

trinh mat phang cach déu hai duong thang d,, d,?
A. 14x-4y-8z+5=0. B. 14x-4y-8z-1=0.
C. 14x-4y-8z+6=0. D. 14x-4y-8z+3=0.

- Loi giai tham khao
d, diqua A(2;2;3) c6 VICP u, =(2;1;3)
d, di qua B(1;2;1) ¢6 VICP u, =(2;-1;4)
Lilugn mp (P) nhan VIPT1a n=u, Au, =(7;-2;-4)
Phuong trinh mp(P) :7x-2y—-4z+m=0
mp(P) cach déu d, va d, nén: d(A;(P)) = d(B;(P)) S S ‘m—Z‘ :‘m—l‘ S m :%.

Kétluan (P):14x—4y-8z+3=0.

CAu 46. Trong khong gian véi hé toa dd Oxyz, cho mat phang (a) :x+2y+z=0 va diém
D(l; 0; 3). Phuong trinh nao dudi day 1a phuong trinh mat phang song song véi (a) va
cach D mot khoang bang J6?
x+2y+z+2=0 x+2y-z-10=0
A. B.

x+2y+z-2=0 x+2y+z-2=0"

C x+2y+z+2=0 D x+2y+z+2=0
|—x-2y-z-10=0 lx+2y+2z-10=0

Loi giai tham khao
Mit phéng (P) codang: x+2y+z+D=0.
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vd(D(P))—‘1'1+2'0+1'3+D‘—\63\4“}\—6@ D=2
T T e B D=-10"

Cau 47. Trong khong gian véi hé toa do Oxyz, cho mit phang (a) :x+2y—-2z-1=0.
Phuong trinh nao duéi day la phuwong trinh mit phang song song véi (a) va cach (a)

mot khoang bang 3 ?

A. (Q):x+2y-2z+8=0. B. (Q):x+2y—2z+2=0.
C.(Q):x+2y-2z+1=0. D. (Q):x+2y-2z+5=0.
Loi giai tham khao

(Q)//(P):x+2y—22—1:0@(P):x+2y—22+m:0
m=38

1
Lay A(l;O;O) G(P) = d((P)}(Q))Zd(Ar'(Q)):‘+—3m‘:3<:> {m --10°

w BAI TAP TU LUYEN v

Cau 48. Trong khong gian véi hé toa dd Oxyz, cho mat phang (P) x—-2y+z+5=0,
duong thang d 1a giao ctia hai mit phang (Pl):x—ZZ:O va (Pz):3x—2y+z—3:O.
Phuong trinh nao duwdi day 1a phuiong trinh mit phang vudng géc véi (P) vachtra 47

A. 11x -2y -15z+3=0. B. 11x+2y-15z-3=0.

C. 11x -2y +15z-3=0. D. 11x-2y-15z-3=0.

Cau 49. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (a):3x+5y-z-2=0 va
x=12+4¢
duong thang d:{y=9+3t . Goi M la toa d6 giao diém cta duong thiang d véi mit
z=1+t
phéng (a). Phuong trinh nao dudi day la phuong trinh mit phing chita diém M va
vudng géc v6i duong thang d ?
A. 4x+3y+z+2=0. B. 4x-3y+z+2=0.
C.4x-3y-z+2=0. D. 4x+3y+z=0.
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Cau 50. Trong khong gian véi hé toa do Oxyz, cho diem M (2; —3;4) . Phuong trinh nao
dudi day 1a phuong trinh mat phang di qua cac diém 1a hinh chiéu ctia diém M trén cac
truc toa d6?

A. 6x-4y+3z-12=0. B. 6x+4y+3z-12=0.

C. 6x-4y+3z-10=0. D. 6x-4y+3z-15=0.

Cau 51. Trong khong gian véi hé toa dd Oxyz, cho diem M (4; —3;12). Phwong trinh nao
dudi day 1a phuong trinh mt phang di qua diém M va chan trén tia Oz mot doan dai
g&p ddi cac doan chan trén cac tia Ox, Oy ?

A. x+y+2z+14=0. B. x+y+2z-14=0.

C. 2x+2y+z-14=0. D. 2x+2y+z+14=0.
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Cau 52. Trong khong gian véi hé toa d6 Oxyz, cho mét phang (P) cat Ox tai A, Oy tai
B, Oz tai C. Biét G(l; 2; 3) la trong tam cuia tam giac ABC, phuong trinh nao dudi day

la phuwong trinh mat phéng (P ) ?

A2 2 B.2+Z1Z-0.
3 6 9 3 6 9

cXy¥iZ29 D.2+¥ 1 Z1=0
1 2 3 3 6 9

Cau 53. Trong khong gian véi hé toa dd Oxyz, cho mit phang (P) di qua diém
G(Z; 1; —3) va cit cac truc toa do tai cac difm A, B, C (khac goc toa dd ) sao cho G la

trong tam ctia tam gidc ABC. Phuong trinh ndo dudi day la phwong trinh mét phang

(P)?
A. 3x+6y-2z-18=0. B. 2x+y-3z-14=0.
C.x+y+z=0. D. 3x+6y-2z-6=0.

Cau 54. Trong khong gian véi hé toa do Oxyz, cho mét phing (P) cat Ox tai A, Oy tai
B, Oz tai C. Biét truc tam cua tam gidc ABC la H (1; 2; 3). Phuong trinh nao dudi day la
phuong trinh mat phang (P ) ?
A. (P):x+2y+3z-14=0. B. (P):x+2y+3z-10=0.
C.(P):x-2y+3z-6=0. D. (P):x+2y+3z=0.
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Cau 55. Trong khong gian véi hé toa dd Oxyz, cho hai diém C(O; 0;3) va M(—l; 3;2).
Phuong trinh nao duéi day la phuong trinh mat phang qua C, M dong thoi chan trén
cac ntra truc dwong Ox, Oy cac doan thang bang nhau.

A. x+y+2z-6=0. B. x+y+2z-1=0.

C.x+y+z-6=0. D. x+y+z-3=0.

Cau 56. Trong khong gian véi hé toa do Oxyz, cho tit dién ABCD c6 cac dinh A(l; 2;1),
B(-2;1;3), C(2;-1;1) va D(0;3;1). Phuong trinh ndo dudi day la phuong trinh mit
phing (P) diqua 2 diém A, B va d(C,(P))=d(D,(P))?
A. 4x+2y+7z-15=0; 2x+3z-5=0. B. 4x+2y+7z-15=0; 2x+3z+5=0.
C. 4x+2y+7z+15=0. D. 2x+3z+5=0.

Cau 57. Trong khong gian voi hé toa do Oxyz, cho hinh lap phuwong ABCD.A'B'C'D’.
Chon hé truc nhu sau: A la goc toa do; truc Ox trung véi tia AB; truc Oy trung véi tia
AD; truc Oz trung vdi tia AA'. D dai canh hinh 1ap phuong 1a 1. Phuong trinh nao
dudi day la phuong trinh mat phang (B’CD’) ?

A x+z-2=0. B.y-z-2=0. C.x+y+z-2=0.D.x+y+z-1=0.
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Cau 58. Trong khong gian vdi hé toa 36 Oxyz, cho diém P(4; —1;2). Phuwong trinh nao

duéi day la phuong trinh mat phang chita truc Ox va diém P?
A 2x+z=0. B. 2x+y=0. C.2y+z=0. D. 2x+y+z=0.

Cau 59. Trong khong gian vdi hé toa do Oxyz, cho mét cau (S):x* +y* +2z> —2x-8=0
va (P) : 2x -2y +z—11=0. Phuong trinh nao duéi day la phwong trinh mgt phang song
song v6i (P) va tiép xtic voi mat cau (S)?
A. 2x-2y+z+7=0; 2x-2y+z-11=0. B.2x-2y+z+3=0; 2x-2y+z-11=0.
C. 2x-2y+z+7=0. D. 2x-2y+z+3=0.

Cau 60. Trong khong gian v6i hé toa dd0 Oxyz, cho mat cau
(S):x*+y*+2* —2x—4y-6z+5=0 va mit phang (P):x-2y+2z-6=0. Hai mit
phang nao sau day tiép xtc véi mit cau (S ) va song song v6i mat phang (P ) ?

A. x-2y+2z+10=0 va x-2y+2z-10=0.

B. x-2y+2z+6=0 vax-2y+2z-12=0.

C.x-2y+2z+6=0 vax-2y+2z-6=0.

D. x+2y+2z-6=0 va x+2y—-2z+6=0.
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Cau 61. Trong khong gian véi hé toa dd Oxyz, cho mit phing (P) 2x—-y+z+1=0 va
mit cau (S):(x~1)" +(y-2) +(z+1)° =16. Phuong trinh nao duéi day la phuong trinh

mat phang song song truc hoanh, vudng géc véi mat phang (P ) va tiép xtic mat cau (S ) ?

A y+z+4J2-1=0. B.y+z-1=0.
C.y-z+4J2+1=0. D.y-z-1=0.
Cau 62. Trong khong gian voi hé toa do Oxyz, cho mat cau

(S) : (x— 1)2 +(y —2)2 +(z + 1)2 =1. Phuong trinh nao duwdi day la phuwong trinh mat
phang chira truc hoanh va tiép xtic voi mat cau (S ) ?
A. (Q):4y+3z=0. B. (Q):4y+3z+1=0.
C.(Q):4y-3z+1=0. D. (Q):4y-3z=0.

Cau 63. Trong khong gian v6i hé toa do Oxyz, cho madt cau

x=-5+2t
(S):x* +y* +2° —10x+2y + 26z +170 = 0 va hai dudng thang d, : {y =1-3t
z=-13+2t
x=-7+3t'
d, :{y =-1-2t". Phuong trinh ndo duwdi day l1a phuong trinh mat phang tiép xtic véi mat
z=38
cau (S) va song song v&i hai duong thang d,, d,?
A. 4x+6y+5z+51+577 =0. B. 4x— 6y + 52+ 514577 =0.
C. 4x—6y—5z+51+577 =0. D. 4x+6y—5z—-51+577 =0.
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Cau 64. Trong khong gian véi hé toa d6 Oxyz, cho mit cau (S):x* +y +(z—1)2 =4.
Phuong trinh nao dudi day la phuong trinh mat phang c6 véc to phép tuyén n= (2; 1; 2)
va ti€p xuc v6i mit cau (S)?

A. 2x+y+2z+10=0; 2x+y +2z-14=0.

B.2x+y+2z-8=0; 2x+y+2z+4=0.

C.2x+y+2z-8=0; 2x+y+2z+10=0.

D. 2x+y+2z+4=0; 2x+y+2z-14=0.
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= Dang 107. Vj tri tuwdng d6i cia mét phang vdi
duong thang, mat phang v@i mat cau

Cau 65. Trong khong gian vdi hé toa d§ Oxyz, cho diém A(—l; 2;1) va hai mat phang
(P):2x+4y—6z—5:0, (Q):x+2y—3z = 0. Ménh dé nao sau day diing?
A. (Q) di qua A va song song véi mat phang ( )

B. (Q)
)

C.
D. (Q) khong di qua A va khdng song song véi mat phang ( )

khong di qua A va song song véi mit phing ( )
di qua A va khong song song véi mat phang ( )

Loi giai tham khao
Mp(Q) di qua A va song song vdi mp(P) .

Cau 66. Trong khong gian véi hé toa do Oxyz, cho hai mat phéng
P):nx+7y—6z+4=0,(Q):3x+my—2z—7=0. Tim tat ca gia tri m, n sao cho hai mat
phang (P) va (Q) song song voi nhau.

A.m:Z;nzl. B. m= 911—Z C. m—E =9, D.m:Z;n:9.
3 3 7 3
Loi giai tham khao
D&mit phing (P)// (Q) thi: {3 2 =1 7.
m_2" m=1
7 -6

Ciu_67. Trong khong gian véi hé toa d6 Oxyz, Cho hai mit phang
(P):3x—y+mz—9 =0, (Q):2x+ny+22—3:O. Tim tat ca gia tri cia m va n d€ hai mat
phang (P) va (Q) song song voi nhau.

2

A.m=3;n:2. B.m=-3;n=
3 3

C.m:3;n:—g. D.m:—3;n:—g.
3 3

Loi giai tham khao

Hai mit phang (P) va (Q) song song khi s_dA_m = 2.
2 n

Cau 68. Trong khong gian véi hé toa &6 Oxyz, cho mit phang (a) imx+6y—z-9=0 va
mat phang (,b’) :6x +2y+nz—3=0. Tim tat ca cac gia tri cia m va n dé hai mit phing
(a) va (,6’) trung nhau.

A. m=18,n=—l. B. m:18,n:l. C. m=—18,n=1. D. m=—18,n:—1.
3 3 3 3

Loi giai tham khao
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m_3 m=18

Ta cé: | © = 1
-1 n=——
n

Cau 69. Trong khong gian voi hé toa do Oxyz, cho hai mat phéng (P) :x+2y-mz—-1=0
va (Q) : x+(2m+1)y+z+2 =0. Tim tat ca cac gia tri cia m d€ hai mat phéng (P) va
(Q) vuong goc voi nhau?
A.m=-1. B.m=2. C. m=3. D. m=1.
Loi giai tham khao
(P)L(Q)=1+2(2m+1)-m=0<m=-1.

x-1 y+2 z+1
-1 1
va mit phang (P) :x+y—z+m=0. Tim tat ca cac gia tri cia m dé (A) song song voi
(P)-
A.m=#0. B. Vime R. C.m=0. D. m>0.
Loi giai tham khao

Puong thang (A) ¢6 u, = (2;-1;1)va M(1;-2;-1) € A. Mit phang (P) c6 n, =(1,1,-1).

+) Kiém tra diéu kién can: A/ /(P)= u,.n, =0 (dung)

+)biéukién da: Mg(P) < 1-2-(-1)+m=0< m=0.

Cau 70. Trong khong gian véi hé toa d6 Oxyz, cho duong thang (A) :

w BAI TAP TU LUYEN v

Cau 71. Trong khong gian véi hé toa dd Oxyz, cho mit phang (P) ix+my+nz—3=0, m

\ \ 7 A~ 2 \ < + - 2 + N A~ > 7 .7 .
va 1 la cac tham s8 thyc va dudng thing (d): ad : 3_Y == 243 Tim tAt ca céc gia tri

ctia m va n d€ mit phang (P) vuong goc voi duong thang (d)

A.m=2van=1. B.m:lvénzl.
C.m=12van=11. D.m=—2van=1.
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Cau 72. Trong khong gian véi hé toa &6 Oxyz, cho duong thang d: g =1 "3

mat phang (P) :2x+my+3z+5=0. Tim tat ca cac gia tri cia m d€ d vuong goc voi (P) .

A.m=1. B. m=0. C.m=-1. D.m=2.

. 2 L-
Cau 73. Trong khong gian vdi hé toa do Oxyz, cho duwong thang A: - ;: 1_y I =z n L ,

mit phing (P):6x+2y +mz+7 =0, m la tham s6 thuc. Tim tat ca cdc gia tri caa m dé

mat phang (P) vudng gdc véi duong thang A.
A.m=2. B. m=3. C.m=4. D. m=-20.

Cau 74. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P) :3x+4y+12=0 va
mit cu (S):x* +y* +(z - 2)2 =1. Ménh dé nao dudi day la diing?
A.
B.

di qua tAm ctia mit cau (S ) :

ti€p xtic v6i mit cau (S).

(P ) cat mat cau (S) theo mot dwong tron va mat phang (P ) khong qua tam (S) .
(P)

khong c6 diém chung véi mat cau (S).
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Cau 75. Trong khong gian véi hé toa d6 Oxyz, cho ba mit phang (a) Xx+y+2z+1=0,
(ﬂ):x+y—z+2:0,(y):x—y+5:O.Ménhd‘énéoduéidéylésui?
A. (a)J_(ﬁ). B. (}/)J_(,B) C. (a)//(j/). D. (a)J_(y).

Cau 76. Trong khong gian voi hé toa do0 Oxyz, tim toa dd hinh chiéu cua diém
M(3;—3;4) trén mat phang (P): x-2y+z-1=0.

A. H(1;1;2). B. H(2;1;0). C. H(0;0;1). D. H(3;-3;4).
Loi giai tham khao
Toa @6 (1; 1;2) thudc mp(P); ﬁ = (2; —4;2) cung phuong voi ;1 = (1; —2;1) voi
H(1,1;2).

Vay toa do hinh chiéu cia M trén mp(P) la H(l; 1;2) .

Cau 77. Trong khong gian véi hé toa d6 Oxyz, cho mét phang (P) tx+2y-2z+5=0.
Tim gia tri ¢ sao cho khoang cach ttt M (t; 2; —1) dén mét phang (P) bang 1.

A.t=-8. B. . C.t=-14. D. .
t=-8 )

Loi giai tham khao

Chon dap dan B.

t+11 t=-8
d(M,(P))z%zlc{t:_M.

Cau 78. Trong khong gian véi hé toa d¢ Oxyz, cho diem M (1; 2; 3). Tim toa d6 diém M’
ddi xting véi M qua mit phang (Oxz).

A. M'(1,-2;3). B. M'(1;0;3). C. M'(1,2;0).  D. M'(0;0;3).
Loi giai tham khao

Hinh chiéu ctia diém M trén mat phéng (Oxz)cé toado M ’(1; 0; 3) .
Khi d6 toa d¢ diém d6i xting ctia M qua mp(Oxz)lé M'(1;-2;3).
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Cau 79. Trong khong gian v6i hé toa dd Oxyz, Tim toa do diém M trén truc Ox sao cho
M cach déu hai mat phang x+2y—z+1=0 va mit phang 2x+2y+z-5=0.

A. M(-4;0;0). B. M(7;0;0). C. M(-6;0;0).  D. M(6;0;0).
Loi giai tham khao

Ta co M(a;O;O),

a+1=[2a-5/=a=6= M(6;0,0).

w BAITAP TU LUYEN v

CAu 80. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) :2x+y—-z+1=0 va

diém M(l; 1;2). Goi N la diém d6i xttng cia M qua mét phang (P) Tim toa d§ cua
diém N.

an(-1 181 pn[-1_-12%]
333 3 33

Cau 81. Trong khong gian véi hé toa do Oxyz, cho hai mat phrfmg (P) :2x+y+2z-1=0
va (Q) :2x+ 1y +2z+5=0. Tinh khoang cach d giita hai mit phang (P) va (Q) .
A. 6. B. 2. C.1.

S
o

Cau 82. Trong khong gian véi hé toa d0 Oxyz, cho diém M(Z; 1;2) va mit phang
(P) : x—2y-2z-2=0. Tinh khoang cach d tir diém M dén mat phang (P)
A. 2. B. 2. C. 6. D. —6.
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Cau 83. Trong khong gian voi hé toa do Oxyz, cho diém A(l; 1; 2) va mit phang
(a) X + 6y — (m +1)z-9=0. Tim cac gia tri cua m d€ khoang céch tir A dén mit

phang (a) bang 1.

A.m=2. B.m=1. C.m=

Cau 84. Trong khong gian voi hé toa do Oxyz, cho diem M (1; -1; —1). Goi (P) la mat
phang chtra truc Ox, (Q) la mat phang chtta truc Oz. Tinh géc dwoc tao bdi hai
mit phing (P), (Q) cung di qua M.

A. 30°. B. 60°. C. 90°. D. 45°.
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= Dang 109. Bai toan vé dién tich, thé tich (mat
phang)

Cau 85. Trong khong gian voi hé toa do Oxyz, cho cac di€ém A(l; 2;3),3(0;0;2),
C(1;0;0), D(0;-1;0). Tinh thé tich V' ctia khéi it dién ABCD .

AV =1. B.Vzé. C.Vzé. D. V=

Loi giai tham khao
1%

ABCD

Ta c6: BC =(1,0;-2); BD = (0;-1;-2); BA =(1,2;1)

-]

| BGBD | =(-2,2-1) = V. = %\(—2; 2;-1).(1,2;1) :%.

ABCD

Ciu 86. Trong khong gian véi hé toa d6 Oxyz, cho 4 diém khong dong phang

A(-2;1;-1); B(0;2;-1);C(0;3;0); D(1;0;a). Tim a d&€ V. =

ABCD

A.a=0. B.a=1. C.a=-3. D.a=-4.

Loi giai tham khao
} = [ZE,X&} = (1; —2;2)

AD=(3;-1;a+1)=| AB;AC | AD=5+2(a+1)

A—B:(Z;l;O)
AC=(2;2;1)

a=1

|% .
a=-8

ABCD

:%‘[E;A—C}AD‘z%‘5+2(a+1)‘=%<:>{

Cau 87. Trong khong gian voi hé toa do Oxyz, tinh thé tich V caa t¢ dién OABC véi
A, B ,C Tan luot 1a giao diém ctia mit phang 2x —3y +5z -3 =0 véi truc Ox, Oy, Oz.
A.V=78. B. V =120. C. V=091. D. V =150.

Loi giai tham khao
Ta 6 A(15;0;0), B(0;-10;0), C(0;0;6).

Dién tich tam gidc OBC la S = %OB.OC = %.10.6 =30;

Thé tich khéi tir dién: V = %.30.15 =150.

Cau 88. Trong khong gian véi hé toa do Oxyz, cho 4 di€ém A(O;O;3),B(1;1;5),
C(-3;0;0), D(0;-3;0). Tinh dién tich S ctia tam giac ABC.

_9J_ 95 9\/_ _97
. —

A. S= B. S= 5 C.S5=—— D.S=

Loi giai tham khao
Tacod AC = (—3; 0; —3), AD = (0,' -3; —3)
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Do do6: S, , - :%‘ [E,E} ‘z#

Cau 89. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) :6x+3y+2z-6=0
cit céc truc toa d6 Tan luot tai A, B, C. Tinh dién tich S cua tam gidc OAB la (véi O la

goc toa do).
A.S=1. B.S=2. C.5=3. D. S=6.

Loi giai tham khao

6x+3y+2z—6:0<:>£+z+£:1
1 2 3 _
1
= A(1;0;0),B(0;2;0) < S,,;, ==0A.0OB=1
(1:0:0),B(0:2:0) = 5, 3

Cau 90. Trong khong gian voi hé toa do0 Oxyz, cho bon diém A(3;O;O), B(O;3;O),
C(0;0;3), D(4;4;4). Tinh d6 dai duong cao h ha tir D cua t dién ABCD.
A. h=9. B. h=33. C. h=43. D.h=6.

Loi giai tham khao
Mat phang (ABC):x+y+z-3=0,

h=d(D,(ABC)) =—= = 343.

NG

w BAI TAP TU LUYEN v

Cau 91. Trong khong gian vdi hé toa do Oxyz, cho hinh lap phuwong ABCD.A’B'C’D’ véi
A(O;O;O), B(a;O;O), D(O;a;O), A’(O;O;a), trong d6 a>0. Goi M, N 1a trung diém cac
canh B’C’ va CD.Meénh dé nao dwdi day la diing?

A. AM L BN. B. 2AM =BN.. C. AM=BN. D. AM//BN.

Cau 92. Trong khong gian véi hé toa do0 Oxyz, cho nam di€ém A(l; 2;3), B(O; 0;2),
C(1;0;0), D(0;-1;0), E(2015;2016;2017). Hoi tir nam di€m nay tao thanh bao nhiéu mat

phang?
A.5. B. 3. C. 4. D. 10.
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Cau 93. Trong khong gian v6i hé toa do Oxyz, cho bdn diém A(l; 0;0), B(O; 1;0),
C(0;0;1); D(-2;1;,—2). Hoi c6 tat ca bao nhiéu mit phing cach déu 4 diém d6?
A. 2 mit phang. B. 7 mit phang. C. 1 mgtphang. D.C6 vo s8 mat phang.

Cau 94. Trong khong gian vdéi hé toa do Oxyz, cho t& dién ABCD vdéi
A(0;0;1), B(0;1;0), C(1;0;0) va D(-2;3;-1). Tinh thé'tich V cua tir dién ABCD .

A.V:l. B.V:l. . 1. 1.
3 2
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Cau 1. Trong khong gian véi hé toa d§ Oxyz, cho mat cau
(5): (x—2) +(y-1) +(z+3) =16
Tim toa d6 tam I va tinh bén kinh R ctia (S).

A.1(21;-3),R=4. B. [(2;-1,-3),R=16.
C. I(-2;-1;3),R=16. D. I(-2;-1;3),R=4.

Loi giai tham khao
Phuong trinh mat cau c6 dang (S): (x - a)z + (y - b)2 + (z - c)2 = R? (Dang chinh tic)
Khi d6 mat cau (S) co tam I(a; b; c) va ban kinh R.
= Matcau (S): (x-2)" +(y-1)" +(z+3) =16 co:
e Tam 1(2;1;—3).
e Bankinh R=/16 =4.

Cau 2. Trong khong gian véi hé toa d§ Oxyz, cho mat cau (S) P+ (y-1)7 +(z+2) =4.
Tim toa do tim I va tinh ban kinh R cua (S).
A. I1(0;1;,-2),R=2. B. 1(0;,-1;2),R=2.
C. I(1,1;2),R=4. D. I(0;1;,-2),R=4.

Loi giai tham khao
= Mat cau (S): 2% +(y—1)* +(z+2)* =4 <&
e Tam I(0;1;-2).
e Bankinh R=+/4=2.

Cau 3. Trong khong gian véi hé toa d§ Oxyz, cho mat cau
(S): X +y* +2° +2x -4y -4=0.
Tim toa do tam I va tinh ban kinh R cuia (S) .
A. I(-1;2;0) va R=3. B. [(-1;2;0) va R=4.
C. I(1,2;0) va R=3. D. I(1;2;0) va R=4.

Loi giai tham khao
Phuong trinh mt cau c6 dang (S): x* +y* +z° — 2ax — 2by — 2cz +d = 0 (Dang tong qudt)

Khi d6 mat cau (S) cé tam I(a; b;c), bankinh R=va® +b> +c* —d.

= Matcau (S): ¥’ +y* +2° +2x -4y —4=0 co:
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e Tam I(—1;2;0).

e Bankinh R = (-1 +2* +0? —(~4) =1+ 4+4 =9 =3.

Cau 4. Trong khong gian vdi hé toa dd Oxyz, cho mat cau
(S): X +y* +2> —2x+4y-62-2=0.
Tim toa do tAm I va ban kinh R cua (S).
A. I(~2;4;,-6)va R=+/58. B. [(2;-4;6)va R=+/58.
C. I(-1;2;-3) va R=4. D. I(1,-2;3)va R=4.

Mt cau (S): x* +y* +2° —2x+4y—6z-2=0 c&:
e Tam I(1,-2;3).

e Bankinh R =1 +(-2)" +3" —(-2) =1+ 4+9+2 =16 = 4.

w BAI TAP TU LUYEN v

Cau 5. Trong khong gian véi hé toa d¢ Oxyz, cho mét cau
(S):(x+1) +(y-2) +(z-3) =12.

Ménh dé nao dudi day la sai?

A. (S) di qua diém N(—3; 4;2). B. (S) di qua diém M(l; 0;1).
C. (S) c6 bankinh R =2+/3. D. (S) c6 tam I(-1;2;3).

Cau 6. Trong khong gian véi hé toa d§ Oxyz, cho mat cau
(8):(x-3) +(y+4) +(z-1) =16.
Tim toa @0 tam I va tinh ban kinh R cta (S) .
A. I(3;-4;1)vaR=4. B. I(-3;4;1) va R=4.
C. I(3;-4;1)va R=16. D. I(-3;4;1) va R=16.
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Cau 8. Trong khong gian véi hé toa d§ Oxyz, cho mat cau
(S): & +y* +2°> —4x—4y+62-3=0.

Toa d6 tam I va tinh ban kinh R ctua (S)

A. 1(2;2;-3) va R=~20. B. I(~4;-4;6) va R=+/71.
C. I(44;,-6) va R="71. D. I(-2;-2;3) va R=+20.

Céu 7. Trong khong gian véi hé toa d6 Oxyz, goi (C) la giao tuyén ctia mat cau
(S):(x—3)2 +(y+2)2 +(Z—1)2 =100 véi mat phing (P):Zx—Zy—z+9:0. Tim toa do
tam H va tinh ban kinh r cua (C)

A. H(-1;2;3); r=8. B. H(-1;2;-3);r=4.

C. H(-1,-2;3);r=2. D. H(-1;,-2;3);r=9

Cau 9. Trong khong gian voi hé toa do0 Oxyz, cho hai diém I(l; 2; —3) va A(l; 0;4).
Phuong trinh nao dudi day 1a phuong trinh mat cau c6 tam I va di qua A?
A. (x+1) +(y+2)" +(z-3) =5. B. (x~1) +(y-2) +(2+3) =5.

C. (x+1) +(y+2) +(z-3) =53. D. (x-1) +(y-2) +(z+3) =53.
Loi giai tham khao
Ta co: AI(0;-2;7)= R= Al =+/53.

Vay phuong trinh mat cau la: (x - 1)2 + (y - 2)2 + (z + 3)2 =53.

Cau 10. Trong khong gian vdi hé toa dd0 Oxyz, cho hai diém 1(2; 1; —2) va A(3,' 2; —1).
Phuong trinh nao dwdi day la phwong trinh mdt cau ¢ tam I va di qua A?
A. X +y’+2° —4x-2y+4z-6=0. B. X’ +y’ +z° +4x -2y +4z-6=0.
C.x*+y’+z"—4x-2y+4z+6=0. D. x> +y* +z* —4x—-2y—4z+6=0.
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Loi giai tham khao
- B4n kinh mét cau R = \/5
- Phuong trinh mit cau cé dang: (x - 2)2 + (y - 1)2 + (z + 2)2 =3

ol +y’+z2° —4x -2y +4z+6=0.

= BAITAP TU LUYEN v

Cau 11. Trong khong gian véi hé toa d6 Oxyz, cho A 1a giao diém cua duong thang

x-1 y+2 z-5
2 -3
la phuong trinh mat cau cé tam [ (1; 2; —3) vadiqua A?

A (x-1) +(y-2) +(z+3)" =21. B. (x-1) +(y-2) +(z+3) =25.
C. (x+1) +(y+2) +(z+3) =21. D. (x+1) +(y+2) +(z+3) =25.

d:

va mit phang (P) :2x+ 2y —z+1=0. Phuong trinh nao duoi day

Cau 12. Trong khong gian véi hé toa d0 Oxyz, cho diém I (—1; 2;0). Phuong trinh nao
dudi day 1a phuong trinh mat cau tdm I va duong kinh bang 10?

A. (x+1)* +(y-2)* +2z° =25. B. (x+1)* +(y—2)* +z* =100.

C. (x-1)7+(y+2)>+2z° =25. D. (x-1)* +(y+2)* +z*> =100.

Cau 13. Trong khong gian v6i hé toa dd Oxyz, cho diém I (1; —2;3). Phuwong trinh nao
dudi day 1a phuong trinh mat cau tam I va duong kinh bang 6 2?
2

A. (x=1) +(y+2) +(z-3) =36. B. (x-1) +(y+2) +(z-3) =9.
C. (x+1) +(y-2) +(z+3) =9. D. (x+1) +(y-2) +(z+3) =36.

Loi giai tham khao
Theo gia thiét mat cau c ban kinh bang 6 nén cé ban kinh R =3, TAm mét cau la
1(1; —2;3) nén c6 phweong trinh (x - 1)2 + (y + 2)2 + (z — 3)2 =9.

File word lién hé qua  Facebook: www.facebook.com/VanLuc168 [ Nguyén Viin Luc |HIRI8



Cau 14. Trong khong gian véi hé toa dd Oxyz, cho diém A(2;1;1) va mat phfmg
(P) :2x -y +2z+1=0. Phuong trinh nao duwdi day la phuong trinh mat cau tam A va
ti€p xtic véi mt phang (P)?

A (x=2 +(y-17 +(z-1)* =4. B. (x-2)+(y-1)>+(z-1*=9.

C.(x-2+(y-1°*+(z-1)* =3. D. (x-2)*+(y-1*+(z-1)* =5.

Loi giai tham khao

Phurong trinh mt cu tim A ti€p xtic mt phang (P) c6 ban kinh r =d(A,(P))=2 la
(x=2+(y-1)>+(z-1) =4.

w BAI TAP TU LUYEN v

Cau 15. Trong khong gian véi hé toa do0 Oxyz, cho diém I(—l; 2;1) va mit phang
(P) :x—2y—2z-2=0. Phuong trinh nao dudi day 1a phuwong trinh mat cau tam I va
tiép xtic véi mt phang (P)?

A. (x+1)2 +(y—2)2+(z—1)2 =3. B. (x+1)2 +(y—2)2+(z—])2 -
3

Cau 16. Trong khong gian vdi hé toa dd Oxyz, cho diém A(3; 0; —2) va mit phing

(P) :2x+y—-2z-1=0. Phuong trinh nao dwdi day la phuong trinh mdt cau tam A va

tiép xtic v6i mat phang (P )?
A (x+3) +y7 +(z+2) =
C. (x+3)2 +y° +(z+2)2 =
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Cau 17. Trong khong gian voéi hé toa dd Oxyz, cho diém A(2,' 2; —3), mat phang
(P) :2x =3y +z+19 =0. Phuong trinh nao dudi day la phuong trinh mat cau tam A va
tiép xtic voi mt phang (P)?

A (x+2) +(y-2) +(2+3) =14. B. (x-2) +(y-2) +(z+3) =14.

C. (x+2) +(y+2) +(z+3) =14. D. (x+2) +(y+2) +(z-3) =14.

Cau 18. Trong khong gian voi hé toa do Oxyz, cho bén diém A(1;6;2),
B(5;1;3), C(4;0;6), D(5;0;4). Phuong trinh nao dudi day la phwong trinh mét cau cd
tam D va tiép xtc v6i mt phang (ABC) ?

8

A (x+5) +y7 +(z+4) = B. (x—5)2+y2+(z+4)2=2i23.

2_23.
C.(x+5) 4y +(z-4) = 2. D. (x=5) +y +(z-4) =

Cau 19. Trong khong gian vi hé toa do Oxyz, chobon diém A (3; -2; —2), B(3; 2;0),

C(0;2; 1) , D(-1;1; 2) . Phuong trinh nao dwéi day 1a phuwong trinh mdt cau tam A va tiép
xtic véi mit phang (BCD) ?
A (x-3) +(y+2) +(z+2) =14. B. (x+3) +(y-2) +(z+2) =14.
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Cau 20. Trong khong gian v6i hé toa dd6 Oxyz, cho ba diém A(l;O;O), B(O;l;O) va
C(0; 0;1). Phuong trinh nao dudi day la phuwong trinh mat cau ngoai di qua bon diém
O,A,B,C?

A X +y* +2°—2x-2y-2z=0. B.x*+y*+z" —x-y-z=0.

C.X+y+22+x+y+2z=0. D. x> +y* +2* +2x+2y+2z=0.

Cau 21. Trong khong gian vdi hé toa do Oxyz, cho ba diém A(Z;O;O), B(O;4;O),
C(O; 0;4). Phuong trinh nao dudi day la phuong trinh mit cu di qua bon diém
O,A,B,C?

A X +y* +2° —2x-4y—4z=0. B. X+’ +2° +2x+4y+4z=0.

C. x2+y2+zz—x—2y—22=0, D. x2+y2+zz+x+2y+22=0.

Cau 22. Trong khong gian véi hé toa do Oxyz, cho ba diém A(Z;O;O), B(2;4;0),
C(0;0;4). Phwong trinh nao dudi ddy la phuong trinh mdt cau ngoai tiép ti dién
OABC (O la goc toa d9)?

A (x+1) +(y+2) +(2+3) =14, B. (x-1) +(y-2) +(z-3) =+14.
C.(x-1) +(y-2) +(z-3) =56. D. (x-1) +(y-2) +(z-3) =14.

Cau 23. Trong khong gian v6i hé toa do Oxyz, cho ba diém M(O; 4;0), N(Z; 4;0) va
P(0; 0;4). Phuong trinh nao dwéi day la phuwong trinh mdt cau di qua bon diém
0(0;0;0),N, M, P?
A. (x+1)° +(y-2)" +(z-2)* =16. B. (x+1)* +(y +2)* +(z+2)* =9.
C.(x-1)’+(y-2"+(z-2)*=9. D. (x+1)* +(y+2)* +(z+2)* =16.
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Cau 24. Trong khong gian v6i hé toa d0 Oxyz, cho ba diém A(l;l;l), B(3;5;2),
C(3;1,-3). Phuong trinh nao duwdi day 1a phuong trinh mat cau ngoai ti€p tit dién
OABC (O la goc toa d9)?

11 41\ 39 1427
A | x+— | +|ly——| +|z+—| =—.
7 7 14 28

11 41\ 39 2147

B.|x+— | +|ly——| +|z4+—| =—.
7 7 14 28
11 41\ 39 2417

Clx+—| +Hy-——| +|z+—| =——.
7 7 14 28
1Y 41Y 39\ 1247

D.|x+—| +|ly——| +|z+—| =——.
7 7 14 28

Cau 25. Trong khong gian véi hé toa do0 Oxyz, cho ba diém A(—2;6;O), B(O;6;O),
C(0;0; —2). Phuong trinh nao dwéi day la phwong trinh mdt cau di qua bon diém
O,A,B,C?

A (x+1) +(y-37 +(z+17 =11. B. (x+ 1) +(y—3) +(z+1)* =/11.
C. (x+1) +(y—3)* +(z +1)* =44. D. (x=1)* +(y+3)* +(z =1 =91.

Cau 26. Trong khong gian vdi hé toa do Oxyz, goi (S) la mat cau tam I (2; 1; —1) va tiép
xtc v6i mat phang (a) :2x -2y -z +3=0.Tinh ban kinh R cta (S) .

A.Rzé. B.Rzg. C.Rzg. D. R=2.
3 9 3
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Cau 27. Trong khong gian véi hé toa dd6 Oxyz, cho ba diém A(3; 1;1),B(0; 1;4),
C(—l; 3;1) va mit phang (P) :x+y—2z+4=0. Phuong trinh nao dwdi day la phuong
trinh mat cau di qua A, B, C va c6 tim nam trén mit phang (P ) ?
A. (x+1) +(y-1) +(z+2)" =9. B. (x~1) +(y+1) +(z-2)
C. (x=1) +(y+1) +(z-2)" =9. D. (x+1) +(y-1) +(z+2)

2

—a
‘2B,

Loi giai tham khao
Goi tam mat cau I(x; —x+2z-4; z) .Tim x,z tit hé hai phwong trinh IA=IB=1IC.

Cau 28. Trong khong gian voi hé toa do Oxyz, cho hai diém A(3;4;4),B(—4; 1;1).

Phuong trinh nao dudi day la phuwong trinh mat cau c6 tam thudc truc Ox va di qua hai
diém A,B?

2 2
A P +y’+ . B. x>+’ + | UL
3 36 6 36
2 2
C.x*+y’+ 2+ 23] 20 D. x> +y* + 2| 20
3 36 6 36

Loi giai tham khao
bat tam. Tim z t&t phwong trinh IA = IB.

w BAITAP TU LUYEN v

Cau 29. Trong khong gian véi hé toa dd Oxyz, cho mit phang (P) ix—y—-2z-1=0 va
hai diém A(Z; 0; 0) , B(3;-1; 2). Phuong trinh nao dudi day 1a phwong trinh mat cau tam
I thudc mat phang (P) va di qua cac diém A, B va gdctoa do O?

A. (x=1P +(y+2) +(z—1) =~/6. B. (x— 1) +(y+2)’ +(z—1)’ =6.

C. (x-1)°+(y—2)" +(z-1)* =14. D. (x-1 +(y+2)* +(z+1)* =6.
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Cau 30. Trong khong gian voi hé toa do Oxyz, cho A(1;3;0),B(—2;1;1) va

x+l_y-1
(4):==5

co tam I thudc duong théng(A) ?

2V 13 Y 3V 521
A | x+=| +Hy—-——| +|z+=| =—.
5 10 5) 100

2

Cau 31. Trong khong gian véi hé toa dd Oxyz, cho duong thing d: -

= iz Phuong trinh nao dwdi day 1a phwong trinh méat cau di qua A, B

Z \ .
=— va hai

x—1 y
1 =2

diém A(Z; 1,0), B(-2; 3;2). Phuwong trinh nao dudi day la phuong trinh mat cau di qua

hai diém A, B va c6 tim thudc duong thang d?

A (x+1)? +(y+1)° +(z2-2)* =17.
C.(x—12+(y—17 +(z-2)* =5.

B. (x—1)2 +(y+1)* +(z—2)* =9.
D. (x+1)* +(y+1)* +(z+2)* =16.

Cau 32. Trong khong gian véi hé toa dd Oxyz, cho mit phing (P) ix+2y—-2z+1=0 va

diém A(Z; 0; —1). Phuong trinh nao dudi day la phuwong trinh mat cau 6 tim A va cat

mat phang (P ) theo mot duong tron c6 ban kinh bang 2?

A (xe2) ryt (-1 =5

C. (x—2)2+y2+(z+1)2 :%.
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Cau 33. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P) x—y+2z-6=0 va
diém M (1;-1; 2). Phuong trinh ndo dudi day la phuong trinh mit cau c6 tAm nam trén
truc Ox va tiép xtic v6i mit phang (P) tai diém M?

A. P+’ +2° +2x -8y +62z+12=25. B. x> +y* +z° =0.

C. x> +y* +z* =16. D. x* +y* +2z> +2x -8y +6z+12 = 36.

Cau 34. Trong khong gian véi hé toa do Oxyz, cho diém I (1; Jl= 2) va mit phang
(P) :2x + 2y +z+ 5= 0. Phuong trinh nao dudi day la phuong trinh mat cau c6 tam I cat
mat phang (P) theo giao tuyén 1a mot dwong tron c6 dién tich bang 167 ?

A. (x-2) +(y—2)*+(z-3)* =36. B. (x-1)*+(y-5)° +(z+3)* =9.

C. (x=2)*+(y-5)>+(z+1)* =16. D. (x—1*+(y-2)* +(z+2)* =25.

Loi giai tham khao
Tinh khoang céch d ti diém I dén mat phang (P) va ban kinh r ctia dwong tron giao

tuyén. Ban kinh cdu R dugc tinh theo cong thic R =vd* +7°.

Cau 35. Trong khong gian véi hé toa do Oxyz, cho diém I (1; 2; —2) va mat phéng
(P ) :2x+2y +z+5=0. Phuong trinh nao duéi day la phwong trinh mat cau c6 tam I sao
cho mat phéng (P) cit mit cAu theo thiét dién 1a mot duong tron ¢é chu vi bfmg 8x?

A (x+1) +(y+2) +(z-2) =25. B. (x-1) +(y-2) +(z+2) =16.

C. (x+1) +(y+2) +(z-2) =16. D. (x-1) +(y-2) +(z+2) =25.

Loi giai tham khao
(S) m(P) = (C) cébankinh r=4, R* =v* +d°, trong d6 d = d(I,(P)), R 1a ban kinh mat
cau.
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Cau 36. Trong khong gian vdi hé toa do Oxyz, cho diém I (3; 1;2) va mat phéng

(P) :2x 42y + z+2=0. Phuong trinh nao dudi day la phuong trinh mét cau cé tam I sao
cho mit phang (P ) cat mat cau theo thiét dién 1a mt dudng tron cd ban kinh bang 2?

A (x+3) +(y+1) +(z+2) =20. B. (x-3) +(y-1) +(z-2)" =20.

C. (x+3)2 +(y+1)2 +(z+2)2 =18. D. (x—3)2 +(y_1)2 +(z_2)2 —18.

Cau 37. Trong khong gian véi hé toa do Oxyz, cho hai diém A(O; 0; —3), B(Z; 0; —1) va
mat phfang(P) :3x —y—z+1=0. Phwong trinh nao dwdi day la phwong trinh méat cau co
tam nam trén duong thang AB, ban kinh bang 2\11 va tiép xtic v6i mt phang (P ) ?
A (S):(x=9) +y* +(z—6)° =44 va (S)=(x +13)" +y* +(z+16)* =44.
B. (S):(x+13)* +y* +(z +16)" = 4.
C. (S
(

: - 2
Cau 38. Trong khong gian vdi hé toa do Oxyz, dwong thang d: le =4 I :§ va mat

phang (P) :2x+y —2z =0. Phuong trinh nao dudi day la phuong trinh mat cau c6 tam

nam trén d, tiép xtc véi mat phang (P ) va di qua diém A(2;-1; 0) , biét tam ctia mat cau
c6 cao do khong am?
A (x=2) +(y-1) +(z-1)
C.(x-2) +(y-1) +(z+1) =1. D. (x-2) +(y+1) +(z-1) =1.

1. B. (x+2) +(y+1) +(z-1) =1.
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Cau 39. Trong khong gian v6i hé toa dd Oxyz, cho A(3,‘ —2;2) va (P) :2x+y—-2z+6=0.
Phuong trinh ndo dudi day 1a phuong trinh mat phang song song véi mat phang (P ) va
cat mt cau (S ) theo mot dwong tron giao tuyén c6 ban kinh r = J3?
A 2x+y-2z+3=0;2x+y—-2z-3=0. B. 2x+y-2z+5=0;2x+y-2z-5=0.
C. 2x+y-2z+1=0;2x+y-2z-1=0. D.2x+y-2z+7=0; 2x+y—-2z-7=0.

Cau 40. Trong khong gian voi hé toa d0 Oxyz, cho diém A (2; -1; O) va mat phéng
(P) :x—2y+2z+2=0.Goi I 1a hinh chiéu vudng géc ciia A trén mat phang (P) . Phuong
trinh nao dudi day la phuong trinh mat cau diqua A vacéd tam I?

A. (x+1)° +(y+1)° +(z+1)* =6. B. (x+1)* +(y—1)* +(z+1)* =6.

C. (x=1)°+(y—17 +(z+1)* =6. D. (x+1)* +(y +1)> +(z - 1) =6.
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Cau 41. Trong khong gian voi hé toa d0 Oxyz, phuong trinh nao duwdi day la phuong
trinh mat phang ti€p xtc véi mit cau (S): (x—l)2 —i—(y—i—3)2 +(z—2)2 =49 tai diém
M(7,-1,5)? ?
A. 6x+2y+3z-55=0. B. 2x+3y+6z-5=0.
C.6x-2y—-2z-50=0. D. x+2y+2z-7=0.

Loi giai tham khao
(S) c6 tam I(1; —3;2). Goi mp(P) tiép xtic vi mit cau (S) tai M(7, —1,5) nén mp(P) co
vecto phép tuyén IM = (6,‘ 2;3) va Memp(P).

Cau 42. Trong khong gian véi hé toa do Oxyz, cho diém I (3; 6; 7) va mat phéng
(P) :x+2y+2z-11=0.Goi (S) 1a mat cau tdm [ va tiép xtic véi mat phang (P) . Tim toa
do tiép diém M ctia mat phang (P ) vamit cau (S ) :

A. M(2;3;1). B. M(3;2;1). C. M(1,2;3). D. M(3;1;2).

Loi giai tham khao
Tiép diém 1a hinh chiéu vudng gdc cua I 1én mat phéng (P ) .

Cau 43. Trong khong gian v6i hé toa d6 Oxyz, cho mat cau
(S):x* +y* +2° —2x -4y — 6z -2 =0 va mit phang (P):4x+3y -12z+10 = 0. Phuong
trinh nao dudi day la phuong trinh mét phang tiép xtic véi (S ) va song song voi (P) ?
.{4x+3y—122+78:0. B {4x+3y—122—78:0.
4x+3y-12z-26=0 4x+3y-12z+26=0
C. 4x+3y-12z+78=0. D. 4x+3y-12z-26=0.

Loi giai tham khao
Goi (Q) la mit phing can tim. M3t phang (Q) song song voi (P ) cé phrong trinh la:
4x+3y-12z+c=0
(S) c6 tam I(1;2;3) vabankinh R =4

[41+32-123+] lc—26] c=78
d(l,(Q))zR@ o —=4s .

Cau 44. Trong khong gian véi hé toa do Oxyz, cho mat cau
(S):x* +y* +2° —2x -4y —6z-11=0 va cho mit phang (P): 2x +2y -z —18 =0. Phuong
trinh nao dwdi day 1a phuong trinh mat phang song song véi (P ) va tiép xtc voi (S ) ?
A. 2x+2y-z+22=0. B. 2x+2y-2z-28=0.
C. 2x+2y-z-18=0. D. 2x+2y-z+12=0.

Loi giai tham khao
Mat cau (S) co tam I(l; 2; 3) coObankinh R=5
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Goi (Q) la mit phing can tim. M3t phang (Q) song song v4i mit phang (P) nén (Q) cd
phuong trinh la (Q) :2x+2y-z+D=0; D#-18
Mit phang (Q) tiép xuc véi méat cau (S) nén d(I,(Q)) =R
21+22-13+D|
=
(2224 (-1)

Két hop voi diéu kién ta c6 phuong trinh cia mit phing (Q) 1a (Q) 12x+2y—z+12=0.

D=-18
=5<:>‘3+D‘:15<:{

D=12

w BAI TAP TU LUYEN v

Cau 45. Trong khong gian v6i hé toa do Oxyz, cho mat cau
(S):(x+1)2 +y° +(z+2)2 =16 va mit phang (P):x+y+z—24=0 . Tinh khoang cach
lén nhat d__ tir mot diém thudc mat cau (S ) dén mat phéng (P ) .

Acd_=2y3+3. B.d_=9/3+2. C.d_=9Y3-4 D.d_

X X max

—3J3 +4.

X

Cau 46. Trong khong gian v6i hé toa do Oxyz, cho mat cau
(S):x* +y* +2° —2x+4y —6z-2=0 vamit phang (P):2x+y+2z+m=0. Tim t&t ca cic
gia tri ctia m d& mat phang (P) cat mt cau (S) theo giao tuyén la duong tron c6 chu vi

bang 473,

A m=0, m=-12. B. m=0.
C.m:S\/E—6,m:—3\/E—6. D. m=-4, m=-8.
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Cau 47. Trong khong gian v6i hé toa d0 Oxyz, cho diém I(l; —2;3) va mit phang
(P) :2x+2y-z-1=0.Mat ph:fmg (P) cdt mit cau tdm I, ban kinh 4. Tim toa dd tam K

vaban kinh r cua dwong tron giao tuyén.

3773
C K@,_E,Zj, ~2y5. D (g;—g,zj, 23

2x-2y—-z+1=0

Cau 48. Trong khong gian véi hé toa d6 Oxyz, cho duong thang (d) :{ oy 940
x+2y-2z-4=

va mit cau (S):x*+y* +2° +4x—6y+m=0. Tim tat ca cac gia tri cua m d€ d cat (S)

tai hai diém M, N sao cho MN =8.
A.m=12. B. m=10. C.m=-12. D. m=-10.
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Cau 1. Trong khong gian véi hé toa d0 Oxyz, cho diém M1(2; 3;1) va duong thang
x+2 y-1 z+1
1 2 2

Y S . e LY

A

. Tinh khoang cach d tir diém M, dén duong thang A.

Loi giai tham khao
Puong théng Aqua M, (—2; 1; —2) va c6 VICP g = (1; 2; —2) =M
Ta co: [MOMl;a = (—8,‘10;6)

M, =(4;2;2)

a; M,M 107 1 &
’ —8)°+10" +6
o d(v50)- MM ]| e 10/
a JP+22+(-22 3
A A g re 1A A 5 2 X y+1 z-1
Cau 2. Trong khong gian voi hé toa do Oxyz, cho duong thang (d):E:—ZZ T

Tinh khoang cach d tte goc toa do O(O; 0;0) dén dwong thang (d) :
A.d=43. B.d=12. C.d=0. D.d=1.
Loi giai tham khao
Lap PT mp di qua O(O; O;O) vuong goc (d) va cat (d) tai H.
Khoang cach tir O dén duong thang la d6 dai doan OH .

Cau 3. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(Z; 0; 0), B(O; 0;8) va diém

C sao cho AC = (0;6; O). Tinh khoang cach d tir trung diém I ctia BC dén duong thing
OA.

A.d=4. B. d=5. C.d=6. D.d=7.
Loi giai tham khdo
T TB=(O,’0;6) va A(Z;O;O) suy ra C(2;6;0) ,do do 1(3;1;4).

Phuong trinh mat phang (P) di qua I va vuong goc véi OA la: x—1=0.
= Toa d¢ giao diém cua (P) véi OA 1a K =(1;0;0).

= Khoang cach tir I dén OA la IK =5.
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Cau 4. Trong khong gian véi hé toa do Oxyz, cho diém M(l; 0;5) va hai mat phéng
(P) :2x-y+3z+1=0,(Q):x+y—2z+5=0. Tinh khoang cach d tit M dén giao tuyén cua
hai mit phang (P) va (Q)

NPT B do |72 caN o 59
7 19 19 J19

Loi giai tham khao
Goi Giao tuyén la duong thang (t) VTCP cua (t) la tich c6 huong cua hai vecto phap
tuyén ctia (P) va (Q)
Giao tuyén (t) qua A(-2;-3;0).

Goi H 1a hinh chiéu vudng géc ctia M 1én duong thang (t)

Tinh d=MH=1/E.
19

Cau 5. Trong khong gian voi hé toa do0 Oxyz, cho diém M(l; 2; —3) va mat phéng
(P):x—2y+22+3:0. Tinh khoang cach d tit M dén (P)
A.d=1. B.d=2. C.d=3. D.d=4.
Loi giai tham khao
1.1-22+2.(-3)+3
. dzd(M,(P))z‘ 9 ‘:2.
J12+ (=2 +22

Cau 6. Trong khong gian véi hé toa do Oxyz, cho mit phang (P) :2x-2y—-z+3=0 va
diém A(1;-2;13). Tinh khoang cach d tix A dén (P).

A.dzl. B.dzé. C.d=4. D.d:E.
2 3 3

Loi giai tham khao
2.1-2(-2)-13+3| 4
J2 (27 + (-1 3

o d=d(A;(P))=

Cau 7. Trong khong gian véi hé toa &6 Oxyz, cho mit phing (P) :3x+4y—-5=0. Tinh
khoang cach d tir goc toa d0 O dén mat ph:fmg (P) )
A. d=15. B.d=1. C.d=5. D.d=-1.

Loi giai tham khao
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Cau 8. Trong khong gian vdi hé toa do Oxyz, cho diém M (—2; —4;3) va mat phéng (P)
c6 phuong trinh 2x — y +2z-3 = 0. Tinh khoang céch d tir diém M dén mit phang (P) :
A.d=3. B.d=2. C.d=1. D. d=11.

Loi giai tham khao
) \2(—2) ~(~4)+ 2.3—3\ 3

d(M,(P)) = 1.
( ) Va+1+4 3
Cau 9. Trong khong gian véi hé toa do Oxyz, (dl) : le = % _Z ; 1 ,
(dz):_x;l:%:Zgl,(P):2x+4y—4z—3:O.GQiAlégiaodigmcﬁa (dl) va (dz).
Tinh khoang cdch d tr A dén mat phang (P)
Ad=2, B.d=_. ca=2. D.d=2.
3 6 6 3
Loi giai tham khao
x+1_y _z-1
Giao diém A cta (d,) va (d,) thea:{ 2 3 3 [ L3704 = _2
-x+1_y _z-1 2°4°4 () 3
2 1 1

Cau 10. Trong khong gian véi hé toa do Oxyz, cho diém E(2;4;5), mat phéng
x+1 y-3 z-2

(P):x—2y+22+6=0 va duong thang d: . Tim toa d¢ diém M co

-1
hanh d6 nho hon 2, ndm trén duong thang d c6 khoang cach tt M téi mat phang (P)
bang EM .
A. M(1;-2;3). B. M(1;2;3). C. M(17;6;11).  D. M(-17;6;-11).

Loi giai tham khao
Djt diém M (-1+2t;3—t;2+t). Tim ¢ tir phuong trinh d(M, (P)) = EM .

Cau 11. Trong khong gian v6i hé toa d6 Oxyz, cho mit phang (P) :2x—y—-3z+1=0
va diém A(1;-2;-3). Tinh khoang cach d tir A dén (P).
A.d=+14. B.d=2V7. C.d=14. D.d=+7.

Loi giai tham khao
Mt phang (P): 2x-y-3z+1=0 vadiém A(1;-2;-3).

Khoang céch d tir A dén (P): d=w:\/ﬂ.

J14

Cau 12. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P) :2x—y+5z+4=0 va
diém A(2;-1;3). Tinh khoang céch d tir A dén (P).

24 24 23 23
A d=——. B.d=——. C.d=—. D.d=——.
V13 V14 V14 V11
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Cau 13. Trong khong gian véi hé toa do Oxyz, cho diém A(3 ;—1 ;2) va mat phéng
(P):4x—y+3z+2=0.Tinh khoang cach d tix A dén (P).

A.d=26\/£. B.d=21\/%. C. d=+/26. D.d=+21.

21 26

.....

:\4.3—(—1)+3.2+2\: 1 _21\/%.

d(A,(P)) \/42 +(_1)2 32 J26 26

Cau 14. Trong khong gian véi hé toa dd Oxyz, cho hai mit phang song song
(a): x+y-z+5=0 va (,6’): 2x+2y—-2z+3=0. Tinh khoang cach d gitta hai mat
phang (a) va (,B)?
73 V17
6

A d=2Y2 B.dz%. C.d=>—. D.d=22.

e 2

Loi giai tham khao
Chon M (0;0;5) € mp(a). Tinh duoc: d((a);(B))=d(M;(B)).

Cau 15. Trong khong gian véi hé toa do Oxyz, cho hai mat phéng
(P):2x+3y+6z—18:0, (Q):2x+3y+6z+10=0. Tinh khoang cach 4 gitta hai mdt
phfmg (P) va (Q)

A.d=6. B.d=5. C.d=3. D.d=4.

Lay A(9;0;0)e(P)
B \2.9+3.0+6.0+10\ »

+3% +

Cau 16. Trong khong gian v6i hé toa do Oxyz, cho hai mat phéng (P) :2x+2y-z-11=0
va (Q) :2x+2y—z+4=0. Tinh khoang c4ch d giita hai mit phang (P) va (Q)
A. d=3. B. d=5. C.d=7. D. d=09.

Lay A(-2;0;0)e(Q)
2(-2)+3.0+6.0-11] 5

+27 +
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» Dang 116. Bai toan vé goc

Cau 17. Trong khong gian voéi hé toa do Oxyz, cho ba diém A(l;O;O), B(O;l;O),
C(0;0;1),D(-2;1;-1). Tinh géc gitta hai dudng thang AB va CD.

A. 45°. B. 60°. C. 90°. D. 135°.
Loi giai tham khao
. |4BCD| f5
Vi cos(AB,CD) = cos(AB,CD)‘ = i—=—=—- = (AB,CD) =45’
‘ABHCD‘ 2

Cau 18. Trong khong gian véi hé toa do Oxyz, cho bdn diém A(3; 2;6),B(3; —1,0),
C(0,-7,0),D(-2,1;-1). Goi (4) 1a dudong thang di qua hai di€m A,D va ¢ la goc gitta
(d) va (ABC). Tinh sing .

J5 Jio Jio Jio

A. sin(pZT. B. sin(p:T. C. singo:T. D. singo:T.

Loi giai tham khao
BA = (0;3;6); BC = (-3;-6;3)
Vipt, mp(ABC): n = %FA’,EE} = (5,-2,1)
Tacd a=AD = (—5; -1; —7) la vtcp ctia dwong thang AD
- Goi ¢ la géc giita duong thang AD vamp(ABC), 0° <p<90°

an -25+2-7] 10
Khi do: sing = === = .
O NN R

Cau 19. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) :x+2y—-z+5=0 va

duong thing (d) 2T S_yrl_z- 3. Tinh géc a gitta dwong thang (d) va mit phang

2 1 1
(P)-

A. o =45 B. o =30°. C. =60 D. a =120°.
Loi giai tham khao

Goi vecto phap tuyén va vecto chi phuong cua (P) va (d) lan luot 1a n, u. Goc gitta (d)

nu

=1 .

U

—

n

va (P) duoc tinh theo cong thitc cosa =
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Cau 20. Trong khong gian voi hé toa do Oxyz, cho diém A (1; 1; 1) va duong thang

x=6-4t
d:{y=-2—-t .Tim toa d0 hinh chiéu H cta diém A lén duong théng d.
n—=ll=+20
A. (2;-3;-1). B. (2;3;1). C. (2-31). D. (-2;3;1).
Loi giai tham khao

Goi H lahinh chi€u ctia A 1én d. H(6—4t;—2—t;—1+2t)
AH =(5-4t;-3—t;-2+2t); u, =(~4;-1,2)
AH 1d < AHu, =0 <> —4(5—4t) +—1(-3— 1)+ 2(-2+2t) =0 <= t =1 = H(2;-3;1)

Cau 21. Trong khong gian v6i hé toa do Oxyz, cho diém A (3; s 5) va duong thang
x=-8+4t

(d) :dy=5-2t . Tim toa 0 hinh chiéu vudng géc H cta diém A 1én duong thang

@
A. (4-13). B. (—4;1;-3). C. (4-1,-3).

Loi giai tham khao
Giai hé gom PT dudng thang (d) va PT mp (P). Ta duoc toa d hinh chiéu.

D. (-4;-1;-3).

x=1+t
Cau 22. Trong khong gian véi hé toa d6 Oxyz, cho duong thing A:{y=2  va diém
z=3-t
A(—l; 2; —1). Tim toa do hinh chiéu I ctua diém A 1én A.
A. 1(3;1,2). B. 1(2;2;2). C. I(1;2:1).
Loi giai tham khao
Goi I(l +12;3— t). Tim ¢ t&t phuwong trinh Alu= 0, voi 1 1a véc to chi phuong cua A.

D. I(4;2;1).

Cau 23. Trong khong gian v6i hé toa do0 Oxyz, cho hai diém A(l; —2;0); B(4; 1;1). Tin
do dai duong cao OH cua tam giac OAB.

A. OH:L. B.OH:J%. C. OH:,/E. D. OH:@.
J19 19 86 2
Loi giai tham khao
x=1+3t

Ta cé: AB(3;3;1). PTDT AB la: y=-2+3t= H(1+3t;—2+3t;t)= OH (1+3t; -2+ 3t;¢)
z=t

=

Vi OH L AB = 3.(1+3t)+3(-2+3t) +t =0 = t = >

19
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oHl- [287 (297 . (3) _[f
‘OH“\/[E) +( 19) +(19J V19"

Cau 24. Trong khong gian v6i hé toa do Oxyz, cho ba diém A(l,Z,—l), B(O,3,4),
C(2, 1, —1). Tinh d6 dai dwong cao h tiv A dén BC.

/33 /50
A. h=+6. B. h=,—. C. h=5V3. D.h=,—.
ve 50 v 33

Loi giai tham khao

x=2+2t
Phuong trinh tham s BC: { y=1-t .Goi M la hinh chiéu vudng goéc cia A 1én BC.
z=-1-5¢t

Nén M e BC va d(A; BC)= AM; AM L BC = AM.BC =0.

Cau 25. Trong khong gian véi hé toa do Oxyz, cho diém M(Z; 7; —9) va mat phéng
(P) :x+2y—3z-1=0.Tim toa d6 hinh chiéu H cta diém M trén (P)
A. H(2;2;1). B. H(1;0;0). C. H(-1,1,0).  D. H(40;1).

Loi giai tham khao
Phuong trinh duong thang d di qua M va vudng goc véi mit phang (P) la

x=2+t
d:qy=7+2t
z=-9-3¢

Toa d6 hinh chiéu vudng géc cia M trén mit phang (P ) la nghiém hé

x+2y-3z-1=0

x=-1
x=2+t
_ 7o <qy=1 :>H(4;0;1).
y= z=0
z=-9-3t

Cau 26. Trong khong gian v6i hé toa do Oxyz, cho diém A(l; 2; —3) va mat phéng
(P) :2x+2y —z+9=0. Tim toa d6 diém A’ d8i xting véi A qua mit phang (P)

A. A'(-7;-6;1). B. A'(—6;-7;1).

C. A'(7;6;-1). D. A'(6;-7;1).

Loi giai tham khao
Tim toa ¢ hinh chiéu vudng géc H ctia A 1én mit phang (P ) .

biém H la trung di€m cua AA’.

Cau 27. Trong khong gian voi hé toa do Oxyz, cho diém A(Z; -1; —1) va mat ph:fmg
(P): 16x-12y —-152-4=0. Goi H la hinh chiéu vudng goc cta A(Z;—l;—l) lén mat
phang (P). Tinh d6 dai doan AH .

A. AH:E. B. AH:E. C. AH:E. D. AH:E.
25 5 25 5

Loi giai tham khao
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16.2+ (-12)(=1) + (<15)(~1)=4| 11
AH:d(A'(P)):‘ J162 4122 +15° 1

Cau 28. Trong khong gian véi hé toa d0 Oxyz, cho bon diém A(Z; 3;1), B(l; 1; —1),
C(2; 1;0) va D(O; 1,'2). Tim toa d¢ chan duong cao H cta t& dién ABCD xuat phat tw
dinh A.

A. H(2;1;0). B. H(1;2;1). C. H(1,1;2). D. H(2;1;1).

Loi giai tham khao
Viét phuong trinh mat phang (BCD) va duong thang AH tir &6 tim duoc giao diém H .

Cau 29. Trong khong gian véi hé toa dd Oxyz, cho mit phing (P) :2x—y+z+1=0 va
hai diém A(—l; 3;2), B(—9;4;9). Tim toa d0 diéfm M trén (P) sao cho (MA+MB) dat
gia tri nho nhat.

A. M(-1;2;-3).  B. M(1,-2;3). C. M(-1;2,-3). D. M(-1;2;3).

Loi giai tham khao
Tacd A, B nam cung phia d6i véi mit phing (P)
Goi A’ la di€m ddi xtng cia A qua (P), ta c6: MA’ = MA
Do d6 MA+MB=MA'+MB2>A'B= min(MA+ MB)=A'B khi M la giao diém cua
A’B va (P).

x=3-12t
+ Tim dwoc A’(3; 1; O). Phuong trinh duong thang A'B: <y =1+3t
z=9t

+ M(-1;2;3).

Cau 30. Trong khong gian v6i hé toa dd Oxyz, cho hai duwong thang d, :

— | R

4 \
=— Vva
2

5 :x_+1 _Y_ Z_l. Tim toa d0 diém M ed,va N ed, sao cho doan théng MN ngén
-2 1 1

nhat.

am[2.3.6) [62,217.18) Lo (3.3 6) (=69 -17 18)
35 35 35 35 35 35 35 35 35 35 35 35

com(3.3.6) (691718 (33 6) (69 17 18)
35 35 35 555 5 5 5

d

Loi giai tham khdo
Med, < M(t;t;2t) va Ned, < N(-1-2tt51+t')

MN ngan nhat < MN la doan vudng gdc chung ctia d,va d,

3
t=—
t—6t'=3 69 —
. )T (3.3 6 (=69 17 18)
6t—t'=1 t,_—17 35 35 35 35 35 35
35
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Cau 01. Trong tat ca cac hinh chi nhat c6 chu vi 40cm . Hinh chit nhat c6 dién tich 16n
nhat co dién tich S 1a bao nhiéu?
A. S=100cm”. B. S =400cm>. C. S=49cm*. D. S =40cm*.

Loi giai tham khao
2 2
s=ab<| 2] <[ 22] Z100.
2 2

Cau 02. Ong A mudn mua mot manh dat hinh chit nhat c6 dién tich 384 m* dé€ xay nha.

Nhung vo 6ng mudn c6 khudn vién san veeon dep nén 6ng mua thém vé hai phia chiéu

dai mdi chiéu 3m va vé hai phia chiéu rong moi chiéu 2m . Hoi, &€ 6ng A mua duoc

manh dat ¢ dién tich nho nhét (tiét kiém chi phi) thi manh dat d6 chu vi la bao nhiéu?
A._100m . B. 140m . C. 98m. D. 110m .

Loi giai tham khao
Goi x,y la chiéu dai, chiéu rong phan dat xay nha

384
_ S:(x+6)(—+4j
Ta 6 S—(x+6)(y+4)© X
x.y =384 384
y=——
X
2304
X

Ap dung BBT AM-GM : S = (436 + J +408 2192 + 408 = S = 600

2304
X
Véy manh déat can mua c6 chiéu dai la: 24+6 =30 (m)
Chiéu rong la: 16 +4 =20 (m)
Khi d6 chu vi manh datla 100 m.

D&u “=" xay ra khi 4x = ox=24=>y=16

Cau 03. Ttr mot bo twong cb sén, ngudi ta mudn rao quanh mot khu dat véi mot sd vat

liéu cho truede 1a 100 m thang hang rao . Vay lam thé nao dé rao khu dat ay theo hinh

cht nhéat sao cho c6 dién tich 16n nhat. Tinh chiéu dai va chiéu rong ctia hinh ch nhat.
A. 50 va 25. B. 35 va 35. C.75 va 25. D. 50 va 50.

Loi giai tham khao
Goi x (m) (O <x< 50) la chiéu rong cta hinh chit nhat
Khi d6, chiéu dai ctia hinh chit nhat 1la 100 — 2x
Nén dién tich ctua hinh chit nhat la x(lOO - 2x) =-2x* +100x

Goi f(x)=-2x+100x voi diéu kién 0 < x <100
= f'(x)=—4x+100. Cho f'(x)=0=>—-4x+100=0= x =25
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Bang bién thién:
X 0 25 50
f' (x) + 0 -

f(x) 0 / 1250 \ 0

Dua vao bang bién thién ta c6 max f (x) =f (25) =1250

Vay: D€ rao khu dat &y cé dién tich 1én nhat theo hinh chit nhat c6 chiéu rong bang
25 va chiéu dai bang 50.
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Cau 04. Mot s¢i day c6 chiéu dai 28 m la duoc cit thanh hai doan dé lam thanh mdét hinh
vudng va mot hinh tron. Tinh chiéu dai ctia doan day 1am thanh hinh vudng dwoc cat ra
sao cho tong dién cua hinh vuéng va hinh tron la toi thiéu.

196 112 287

A. 14. B

Cau 05. Mot soi day cd chiéu dai la 6 m, dugc chia thanh 2 phan. Phan thit nhat duoc
udn thanh hinh tam gidc déu, phan th hai uén thanh hinh vuéng. Hoi d¢ dai ctia canh
hinh tam giac déu bang bao nhiéu d¢ tong dién tich 2 hinh thu dugc 1a nhé nhat?

o 0 0

} {
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w» Dang 119. Bai toan van dung vé chuyén ddéng
cua chat diém

Cau 06. Mot chat diém chuyén dong thang theo phuong trinh S(t) =+ —3t* — 24, trong
dé t tinh bang giay (s) va S tinh bang mét (m) Tinh gia tdc cua chuyén dong tai thoi

diém van toc triét.
A. 18m/ s>. B. —18m/ s*. C. —-6m/s>. D. 6m/s>.

Loi giai tham khao
4 A ~ 2 A ~ LN DN . t = 4
Ta co van toc v(t) = S'(t) =3t — 6t —24 . Van toc triét tieu khi v(t) =0
t=-2 (L)
Gia toc a (t) =7 (t) =6t —6. Vay gia toc tai thoi diém van tdc triét tiéu 1a

a(4)=64-6=18m/s".

Cau 07. Mot vién da duoc ban thang diing 1én trén véi van t6c ban dau 1a 40 m/s tie mot
diém cao 5 m cach mat dat. Van tdc cta vién da sau t gidy dwoc cho boi cong thirc

v(t) =40-10t m/s. Tinh d0 cao lén nhat vién da co thé' 1én tdi so voi mat dat.
A. 85 m. B. 80 m. C. 90 m. D. 75 m.

Loi giai tham khao
Goi & la quang duong lén cao cua vién da.
o(t)=h'(t)= h(t)=To(t)dt =[(40-10t)dt = 40t - 5¢* +¢

Tai thoi diém + =0 thi h=5.Suyra =

Vay h(t)=40t-5t* +5
h(t) I6n nhatkhi v(t)=0<40-10t =0 <t =4.Khi d6 h(4)=85 m.

Cau 08. Mot doan tau dang chuyén dong véi van tdc v,=72km/h thi ham phanh
chuyén dong cham dan déu, sau 10 giay dat van toc v, =54 km / h. Tinh thoi gian tau
dat van téc v =36 km / h k€ tir lac ham phanh.
A. 30s. B. 20s.
C. 40s. D. 50s.
Loi giai tham khao
Déi don vi: 72km [/ h=20m/s; 54km/h=15m/s; 36 km/h=10m/s

a=0 "% 170 g5 0 —0 tat, o>, = 2% 10720
At 10 ’ a 0,5

20s.
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= BAITAP TU LUYEN v

Cau 09. Mot chat diém chuyén dong theo qui luat s = 6t> —t* (trong d6 t 1a khoang thoi

gian tinh bang gidy ma chat diém bat dau chuyén dong ). Tinh thoi diém t (gidy) ma tai
dd van toc (m / s) cua chuyén dong dat gia tri 16n nhat.
A t=2. B.t=4. C.t=1. D.t=3.

Cau 10. Cho chuyén dong thing xac dinh boi phuong trinh S(t) :_th“ +3t? -2t-4,
trong d6 t tinh bang giy (s) va S tinh bang mét (m) Tai thoi diém nao, van t6c cta
chuyén dong dat gia tri lon nhat?

A t=+2. B.t=1. C.t=+3. D.t=2.

Cau 11. Mot con ca hoi boi nguoe dong dé€ vuot mot khoang cach la 300 km . Van tdc ctia
dong nudce la 6km / h. Néu van tdc boi cta ca khi nede diéng yén la v (km / h)thi nang

leong tiéu hao cta cd trong ¢t gio dwoc cho boi cong thirc: E (v) =cv’t.

Trong dé ¢ la mot hang s6, E duoc tinh bang jun. Tim van t6c boi ctia ca khi nudc
ding yén dé nang lwong tiéu hao la it nhat.
A.6km/h. B.9 km/h. C.12 km/h. D. 15 km/h.

Cau 12. Mot tén Itra bay vao khong trung voi quang duong di duoc quang duong s(t)
(km) 1a ham phu thudc theo bién t (gidy) theo quy téc sau: s(t)=e"" + 2t (km). Hoi
van toc cua tén lkra sau 1 giay la bao nhiéu? Biét ham biéu thi van toc la dao ham cuta
ham biéu thi quang duong theo thoi gian.

A. 5¢* (km/s). B. 3¢* (km/s). C. 9¢* (km/s). D. 10¢* (km/s).
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w Dang 120. Bai toan van dung lién quan dén thé
tich

Cau 13. Ta c6 mot miéng ton phang hinh vuéng véi kich thude a (cm), ta mudn cat di o
4 gbc 4 hinh vudng canh bang x (cm) d€ udn thanh mot hinh hop chit nhat khong c6
nap. Hoi, phai cit nhw thé ndo d& hinh hop cé thé tich 16n nhat?
A x=2. B.x=2. c.x=2 D.x=2
4 5 6 7
Loi giai tham khao

Goi canh cua hinh vudng bi citla x, (0<x<a).

Ta c6 thé tich hinh hop la: V = x(a —2x)* = iélx(a —2x)°.

Ap dung Bat déng thitc Cosi cho 3 s0: 4x,a—2x,a—2x >0 ﬁ X
_ _ 3 3 3
Ta 6 - Vsl dx+a—-2x+a—2x _ lSL _ Zi
4 3 4 27 27 W

V 16n nhat khi va chi khi: 4x =g-2x < x =% a—2x

A ~? A g7 A 7 A~ M M A 7 A \ A 7 a
Vay dé thé tich hop 16n nhat, can cat bon géc bon hinh vudng cé canh ra

Cau 14. Cho mot tdm nhom hinh vudng canh 12 cm. Nguoi ta cit & bon goc cua tdm
nhom d6 bon hinh vudng bang nhau, mdi hinh vuéng c¢6 canh bang x (cm) , 01 gap tam
nhom lai nhu hinh vé dudi day dé€ duoc moét cai hop khong nép. Tim x d€ hop nhan
duoc co thé tich 16n nhat.

.

A. x=6. B. x=3. C.x=2. D. x=4.
Loi giai tham khao

_ _ 3
Thé tich ctia hop 1a (12— 2x)%.x = %.495(12 —2x) < %. (4x+12 22’; *12-2%)

=128

D&u bang xay ra khidx =12 - 2x <> x =2
Vay x =2 thi thé tich hp 16n nhét.
Cau 15. Mot tam thi€c hinh ch nhat dai 45 cm, rong 24 cm duoc lam thanh mot cai

hop khong nap bang cach cat bon hinh vudng bang nhau tir mdi géc va gap mép lén.
Hoéi cac hinh vuong duogc cit ra c6 canh 13 bao nhiéu dé hop nhan duoc co thé tich 16n
nhat?
A. x=18. B. x=5. C.x=12. D. Bap an khac.
Loi giai tham khado
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Goi x cm (0<x<12) 1a canh ctia cac hinh vudng bi cit roi ra. Khi d6, chiéu cao ctia
hop 1a x, chiéu dai la 45— 2x, va chiéu rong la 24 —2x.
Thé tich V (x) = x(45-2x)(24 - 2x)=4x" —138x” +1080x.

Suy ra V'(x)=12x* —276x +1080 .
Cho V'(x) =0, suy ra dwgc gia tri x can timla x=5.

V"(x)=24x-276 =V "(5)=-156 <0.Do d6 x =5 la diém cyc dai.

Cau 16. Cho mot tAim nhdm hinh vudéng canh 18 cm. Nguoi ta cat & bdn géc cua tdm
nhom d6 bon hinh vudng bang nhau, mdi hinh vudng c6 canh bang x (cm) , 101 gap tdm
nhom lai nhw hinh vé dudi ddy dé€ duoc mét cai hop khong nép. Tim x d€ hop nhan
duoc co thé tich 16n nhat.

A. 3. B. 5. C. 4. D. 2.

Loi giai tham khao

Piéu kién: 0<x<9
V =hB=x.(18-2x)* =f(x)
Bam mod 7 va tim dwgc x =3
Cach khéc: Ap dung BDT Cbsi cho 3 s6 khong am 4x; 18 —2x; 18 —2x

dx + (18— 2x) + (18 — 2x)]3 _

1 1
V =x.(18-2x)* == .4x(12 - 2x).(12 = 2x) < —.
( ) 1 ( )-( ) 4[ 3

Dédu “=" xay rakhi 4x=18-2x < x =3
Vay x =3 thi thé tich 16n nhat

Cau 17. Mot trang trai chdn nudi dy dinh xdy dung mot ham biogas véi thé tich 12 m®
dé chwra chat thai chan nudi va tao khi sinh hoc. Dy kién ham chira c6 dang hinh hop
chit nhat c6 chiéu sau gap rudi chiéu rong. Hay xac dinh cac kich thwdc day (dai, rong)
cua ham biogas dé€ thi cong tiét kiém nguyén vat liéu nhat (khong tinh dén bé day cta
thanh b€). Tinh kich thudc (dai; rdng — tinh theo don vi m, lam tron dén 1 chix s6 thap
phéan sau dau phay) phu hop yéu cau.

A.Dai 2,42m vardng 1,82m. B.Dai 2,74m varong 1,71m.

C.Dai 2,26m varong 1,88m . D.Dai 2,19m varong 1,91m.

Loi giai tham khao
Goi chiéu sau va chiéu rong ctia b€ [an luot la 3x va 2x (m)
SA N e ? A? 1\ 12 2
Chiéu dai cta bé la =— (m)
2x.3x «x
Dé tiét kiém nguyeén vat liéu nhat thi dién tich toan phan ctua bé phai nho nhat. Ta ¢

5, = 2(2x.3x 4 2x.%.£j - 2[6x2 +Ej

x* x? X

6> + 2+ > 33150 = S,, 2 63150 (m* )
X X
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DAau béng xay ra khi va chi khi 6x* + > S x= i/%
X

Khi d6 chiéu rong va chiéu dai ctia bé lan luot la 2x =1,88 m; % =2,26m.
x

= BAITAP TU LUYEN v

Cau 18. Cho mot tam ton hinh ch@ nhat c6 kich thuwde 80cm x 50 cm . Nguoi ta cit & bon

gbc clia tim nhdm d6 bén hinh vudng bang nhau, mdi hinh vudng c6 canh bang
x(cm)dé khi gap lai duoc mot chiéc hop khong ndp. Hoi. dé chiéc hop 6 thé tich 16n
nhat thi x bang bao nhiéu?

A. x=12. B. x=11. C. x=10. D. x=9.

Cau 19. Mot hop khong nap duoc lam tir mot manh cac tong nhw hinh bén dudi. Hop ¢6
day la mot hinh vudng canh x (cm), duong cao la h (cm) va co theé tich la 500 (cm3).

Tim gia tri ctia x sao dién tich ctia manh cac tong la nho nhat.
A. . x=5. B. x =10. C. x=15. D. x=20.
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Cau 20. Tr mot tdm ton hinh tron c6 dwong kinh
bang 60 cm. Nguoi ta cat bo di mot hinh quat S cua
tdm ton d6, r0i gan cac mép vira cit lai véi nhau dé [>
dugc mot cai non khong c6 nap (nhu hinh vé). Hoi
bang cach lam d6 nguoi ta cé thé tao ra cai nén cé thé
tich 16n nhat bang bao nhiéu?
A. 1800+/3.7 (cm?) B. 2480/3.7 (cm?).

C. 2000+/3.7 (ci®). D. 1125v3.7 (cn?).

Cau 21. Nguoi ta mudn lam mét cdi binh thuy tinh hinh lang tru ding cé nap day, day la
tam gidc déu d€ dung 16 lit nudc. D€ tiét kiém chi phi nhat (xem tdm thay tinh lam vo
binh la rat mong) thi canh ddy ctia binh la bao nhiéu?

A dm. B. 4dm. C. 232 dm. D. 24 m.

Céau 22. Cho mot tdm nhom hinh chit nhat ABCD ¢6 AD =60cm . Ta gap tam nhom theo
2 canh MNva PQ vao phia trong dén khi AB va DC trung nhau nhuw hinh vé dudi day

dé€ dwgc mot hinh lang tru khuyét 2 day.
}

B M ¢ ,

A N P x D N~ P
el ey WP

g be AD
Tim x d€ thé tich khéi lang tru 16n nhat?
A. x=20. B. x=18. C.x=25. D. x=4.
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Cau 23. Cho mdt tdim nhom hinh vudng canh 1m nhu hinh vé dudi day. Nguoi ta cat
phan t6 dam cta tAim nhom réi gap thanh mot hinh chép t& gidc déu ¢ canh day bang
x(m), sao cho bén dinh ctia hinh vudng gap lai thanh dinh cua hinh chdp. Tinh gi4 tri

cua x dé khdi chop nhan duoc cé thé tich 16n nhat.

b

A x:&. B x:l. C x:Q D.xzﬂ
5 2 4 3
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Cau 24. D& lam mot chiéc cdc bang thay tinh hinh tru véi day cdc day 1,5cm, thanh
xung quanh cdc day 0,2 cm va c6 thé tich that (thé tich né dung duoc) 1a 4807 cm® thi

ngwdi ta can it nhat bao nhiéu cm’ thuy tinh?
A. 75,667 cm’. B. 71,16 7 cm>. C. 85,417z cm®. D. 84,647 cm®.
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Cau 25. Mot man anh hinh chtr nhat cao 1,4m duwgc dit & d6 cao 1,8 mso véi tAm mat
(tinh dau mép dudi cia man anh). Hoi, d€ nhin rd nhat phai xac dinh vi tri ding sao
cho géc nhin 16n nhat thi vi tri diing cach man anh la bao nhiéu?

A. x=2,4m. B. x=-—2,4m. C.x=%2,4m. D. x=1,8m.

Loi giai tham khao
Vi bai todn nay ta can xac dinh OA

dé€ goc BOC 16n nhat, diéu nay xay ra khi va chi khi

tan BOC' 16n nhat.
bat OA =x (m) voi x>0, taco

__ __ AC 4B
tan AOC —tan AOB  0A 0OA _ 14x

1—i—tanA/O\CtanA/-O?3 1+AC-AB x* +5,76

tanl?O\C = tan(m — A/O\B) =

OA?
ham s§ f(x)= % Bai toan tro thanh tim x >0 d€ f (x) dat gia tri 16n nhat.
~1,4x% +1,4.5,76
Ta cod ; fiix)=0x=42,4
fix)= (x+5,76)’ F)
Ta c6 bang bién thién
X 2.4 + o0
f) ////// 7+ 0 -
/ : El
fix) /i / 193\
22 0

Vay vi tri diing cho goc nhin 16n nhat la cach man anh 2,4 m.

Cau 26. C6 hai chiéc coc cao 12m va 28 m, dat cach nhau 30m (xem hinh minh hoa
dudi day). Chung duoc budc boi hai soi day tir mot cai chot trén mat dat nam gitta
hai chan cot t6i dinh ctia mdi cot. Goi x (m) la khoang cach tir chdt dén chan coc
ngan. Tim x dé tong d6 dai hai day ngan nhat.
A. x=09. B. x =10. C. x=11. D. x=12.
Loi giai tham khao
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28

. g ) Chét

Ki hiéu x 1a khoang cach ttr chan cot thap tdi chot budc; y,z la d6 dai hai soi day
nhu hinh vé.
Khi d6 khoang cach ttr chdt budc tdi chan cft thit haila 30 —x.
biéu kién 0<x <30;y,z>0.Goi d la tong do dai hai soi day. Khiddé d=y +z
. L2 2 2 [ 2 2 2 _ 2
Theo Pitago, taco x* +12° =y~ = y =vx~ +144; (30—x) +28° =z
= y=+x* +144 + 2> ~60x+1684 (0<x<30)
X x —30
+
Vx? +144  Vx® -30x+1684
d'=0 & xyJx? —60x +1684 = (30 - x)x* + 144
& 2% (x? - 60x +1684) = (30— x) (x* +144)
x=0
x=-22,5¢(0;30)
Lap BBT ta c6 mind =d(9)=50.
(0;30)

Tacd d'=

< 640x* —8640x — 129600 = 0 <

Cau 27. M6t ngon hai dang dat tai vi tri A cach bo bién mot khoang AB 5km. Trén bo
bién co mot cai kho o' vi tri C cach B mot khoang la’ 7km . Nguwoi canh hai dang co thé
cheo do tv A dén diém M trén bo bién voi van toc 4km /h rdéi di bd dén C voi van toc
6km /[ h (xem hinh ve duof day). Tinh d6 dai doan BM d€ nguoi do dén kho nhanh nhat.

A.@. B. 22 C. V29. D. 245.

4 12°

Loi giai tham khado
A

5k \

B M C

Trudc tién, ta xdy dung ham s§ f(x) 1a ham s6 tinh thoi gian nguoi canh hai dang

phai di.

Dit BM =x thi ta dwgc: MC=7-x, AM =+x*+25. Theo dé bai, Nguoi canh hai
dang co thé cheo do tv A dén di€m M trén bo' bién voi van téc 4km / h roi di b, dén

C voivan toc 6km / h, nhu vay ta c6 ham s f (x) duoc xac dinh nhuw sau:
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f(x): x* +25 +7—x :3\/x2 +25-2x+14 voi xe[o,-7]
4 6 12

Ta can tim gi4 tri nho nhat ctia f(x) d€ c6 duoc thoi gian ngdn nhat va tir d6 xac

dinh dwoc vi tri diéfm M.

o )

fi(x)=0e 2 2-0e3r-2/r +25=0

Jx? +25

< 20x? +25 =3x

2 _ —
@{Sx —100©{x—i2x/§©x:2\/§

x>0 x>0

Ham s6 f(x) lién tuc trén doan [0; 7:| va ta co:
14 5\/_ J74

F0)-2, (5] 125E gy L

\ 14+5J_

Vay gia tri nho nhét cua f(x) la x=2+/5. Khi d thoi gian di la it nhat

va difm M nam cach B mot doan BM = x = 24/5.

Cau 28. Cho hai vi tri A, B cach nhau 615m, cung nam vé mot phia bo song nhu hinh
ve. Khoang cach tv' A va tu' B dén bo'song lan lwot la' 118 m va 487 m. Mot nguoi di tu

A dén bo song d€ lay nuoc va mang v€ B. Tinh d6 dai doan dwong ngan nhat ma

nguoi do phai di.
A. 569,5m. B. 671,4m. C.779,8m. D. 741,2m.
Loi giai tham khao
B
615
A 487m
s B 118

- 369m _

A D Song

118m 118m

E M Séng F

492m

Ta gia st nguoi d6 ditlr A dén M dé€lay nudc va di te M vé B.
Ta dé dang tinh dwoc BD =369, EF =492. Ta dat EM = x, khi d¢6 ta duoc:
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MF =492 —x, AM = + 118", BM = ||(492— x )} +487".

Nhu vy ta c6 ham s8 f(x) duoc xéc dinh bang tong quang duong AM va MB:

f(x)=vx*+118" + \/(492 ~x)' +487% véi xe[0;492].

Ta can tim gia tri nho nhat cia f(x) d€ c6 duoc quing dudng ngén nhét va tir d6 xac

dinh dwoc vi tri diéfm M.

f,(x) _ X B 492 — x .
J? +118° \/(492 —x) +487?

492 - x
f(x)=0c — - =0
) Vo118 (492 - x) 44872

x 492 — x

P =
Va2 + 1182 \/(492 —x) +487°

& x(492 - %) +487* = (492 - x)V¥ + 118’

2| (492 2)" +487° | = (492-x) (x* +118°)

<~
0<x<492
(487x)" = (58056 - 118x)°
<~
0<x<492
(o 38036, 58056 58056
= 605 369 < x= 605
0<x<492

Ham s f (x) lién tuc trén doan [O; 492]. So sanh cac gia tri cua f (0), f (—52826}

58056
605

f (492) ta co gia tri nho nhatla f ( J ~779,8m.

Khi d6 quang duong di ngan nhat 1a xap xi 779, 8 m.
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Cau 29. Hai con tau dang ¢ cung mot vi tuyén va cach nhau 5 hai li. Tau thit nhat chay
theo huéng nam véi van t6c 6 hai li/gio, con tau thit 2 chay theo hudng vé tau thi nhat
véi van toc 7 hai li/gio. Hoi sau bao lau khoang cach gitra hai con tau la 16n nhat?

A. = gio. B. — gio. C. 2 gio. D. 3 gio.

Cau 30. Mot duwong day dién dwoc noi t mot nha may dién o A dén mot hon dao o C.
Khoang cac ngan nhat tit C dén B la'1km. Khoang cac tu' B dén A la 4 km. M&i km day
dién dat dwoi nwo'c mat 5000USD, con dat dwoi dat mat 3000USD . Hoi, di€m S trén bo
cach A bao nhiéu dé€ khi mac day dién tv A qua S r6i dén C lait ton kem nhat?

= B. 2. c.2 p. 2
4 4 2 4
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Cau 31. C6 hai cay cdt dung trén mat dat lan luwot cao 1m va 4m, dinh cta hai cay cot
cach nhau 5m .Nguoi ta can chon mot vi tri trén mat dat (nam gitra hai chan cot)
giang day noi dén hai dinh cot d€ trang tri m6 hinh bén duéi .

Do dai day ngan nhat la:

A. 4l m. B. 37 m. C. V29 m. D. 35 m.

w» Dang 122. Bai toan van dung tong hop vé irng
dung dao ham

Cau 32. Mot nguodi can lam mot thing bang nhom, cé dang 1a mot hinh lang tru ding
c6 ddy 1a hinh vuong. Biét thé tich ctia thiing can déng bang 4m°, thiing chi ¢ mot nap
ddy dudi ( khong co nap day ¢ phia trén). Biét gid cia nhom 1a 550.000 dong/m* . D&
déng dwgc cai thung nhuw trén nguroi dé can mua it nhat s6 tién mua nhém la bao nhiéu?
A. 5.500.000 (dong). B. 6.000.000 (dong).
C. 6.600.000 (dong). D. 7.200.000 (dong).

Loi giai tham khao

+) Bat x la kich thudc canh ddy, y la chiéu cao. S,=4xy, S5, = x* (m) (mot day)
Dién tich toan bg ctia thting la: 5, =4xy +x°.
V =x*y=4, suy ra: xy:é, S, =4xy + x* . R

X x XX
Vay gid tri nho nhét ctia dién tich toan phan: 12 (m’).
SO tién it nhat d€ mua s6 nhom dé la: 12.550000 = 6600000 (dong)
+t=2(s) tacod s=300(m).

Cau 33. Mot cong ty bat dong san cé 50 cin ho cho thué. Biét rang néu cho thué mdi can
ho véi gia 2.000.000 dong mot thang thi moi can hd déu cd ngwoi thué va c tang thém
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gia cho thué modi can hd 100.000 dong mot thang thi sé ¢d 2 can ho bi bd trong. Hoi
mudn c6 thu nhap cao nhat thi cong ty d6 phai cho thué mdi can hd véi gia bao nhiéu
mot thang?

A. 2.225.000. B. 2.100.000. C. 2.200.000. D. 2.250.000.

Loi giai tham khao

Néu téng gid thué mdi cdn ho 1a x (ddng/thang) thi sé c6 10§x can ho bo trong.

Khi d6 s tién cong ty thu duoc 1a: § = (2.000.000 + x)| 50 - —=
100.000

Xét ham s3 f(x) =(2.000.000 + x)| 50 — 2x Vx>0
100.000

4x
"(x)=10-
f ( ) 100.000
Ham s6 f(x) dat max < x =250.000
Gia tién thué mdi can ho la: 2.250.000 d.
Cau 34. Do giam huyét ap cua mot bénh nhan duoc cho boi cong thire
G(x)=0,025x* (30 - x), trong d6 x la liéu lwong thudc duoc tiém cho bénh nhan (x

=0 < x=250.000

dugc tinh bang miligam). Tinh liéu lwong thudc can tiém cho bénh nhan dé huyét ap
giam nhiéu nhat.
A. 15 mg. B. 20 mg. C. 25mg. D. 30 mg.
Loi giai tham khao
G(x) =0,025x*(30 —x) vdi x >0 = G'(x)=1,5x—0,075x"
Lap BBT = maxG(x) = G(20) =100.

(0;400)

Cau 35. Chi phi vé nhién liéu ctia mdt tau duwgc chia 1am hai phan. Trong d6 phan th
nhat khong phu thudc vao van téc va bang 480 ngan dong/gio. Phan thit hai ty 16 thuan
véi 1ap phuong ctia van toc, khi v =10 km/h thi phan tht hai bang 30 ngan dong/gio.
Hay xac dinh van t6c cua tau dé€ tong chi phi nguyén liéu trén 1 km dwong 1la nho nhat?
A.~15 (km/h).  B.=~8 (km/h). C.~20 (km/h). D.~63 (km/h).

Loi giai tham khao

Goi x (km / h) la van t6c ctia tau = thoi gian tau di 1 km la 1 gio.
X

Phan chi phi tht nhat la: 480.l _ 480 (ngan).
XX

Z.
x3
Véi x=10:>y:l.30:3 (ngan) = k:i:0,00E’): y =0,003x".
10 1000
480

Do d6, tong chi phi la: T =—+0,003x°. Khao st T ta tim dwoc T dat GTNN khi
X

Gia stt, phan chi phi tht 2 ki hiéula y thi y=kx’ = k=

x=15 (km/h).
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8B. BAI TOAN VANDUNG
VE HAM SO LOY THUA-MU-LOGARIT

» Dang 123. Bai toan van dung veé toc do tang
trudng

Cau 01. Dan s8 thé gidi duoc wde tinh theo cong thireS = A.e™, trong d6 A 1a dan sd
cta ndm 1ay lam méc, S la s6 dan sau n nam, i la ti 1é tdng dan s6 hang nam. Biét nam
2016 dan s6 Viét Nam la 94000000 nguoi, ti 1é tang dan s6 la i =1,06% . Hoéi sau it nhat
bao nhiéu ndm nira thi dan s6 Viét Nam vwot qua 100 triéu nguoi véi gia st ti 1€ tang
dan s6 hang nam khong d6i?

A. 6. B. 5. C. 8. D.7.

Loi giai tham khao
Gia st sau it nhat n nam nita thi dan s6 Viét Nam vuot qua 100 triéu nguoi, 4p dung
cdng thikc trén ta c6: 94000000.e™**'™ > 100000000 . Giai bat phwong trinh &n 1 suy ra
n>6.

Cau 02. Ti 1é tang dan s6 hang nam ctia nwéc Nhat la 0,2% . Nam 1998, dan sd caa
Nhat 1a 125 932 000. Hoi vao ndm nao dan so caa Nhat 1a 140 000 000 ?
A. Nam 2049. B. Nam 2050. C. Nam 2051. D. Nam 2052.

Loi giai tham khao

14000000 = 125932000.(1 + SE)?)

j = n~53. Dap an C. Nam 2051.

Ciu 03. Két qua thdng ké cho biét ¢ thoi diém 2013 dan s6 Viét Nam 1a 90 triéu nguoi,
toc do tang dan s6 1a 1,1% / nam . Hoi néu muirc tang dan s 6n dinh ¢ muc nhu vay thi
dan s0 Viét Nam sé gap do6i (dat nguong 180 triéu) vao nam nao?

A.Nam 2050. B. Nam 2077 . C. Nam 2093. D. Nam 2070.

Loi giai tham khao
- Phurong phap: Dan s6 mot qudc gia ban dau la N, toc d6 tang dan s6 1a r% / ndam
. < A N , A , r Y
thi sau n nam, dan s6 ctia quoc gia dé duoc tinh theo cong thitc N, = N (1 + ﬁ} .
- Cach giai: Goi n la s6 nam ké tit ndm 2013 d€ dan s6 Viét Nam tang gap doi, c6 co

phuong trinh: 180 =90| 1+ 1,1
100

J <1,011" =2 < n=log, ,,2~63,4. Ta chon n =64

(sO nguyén nhé nhat 16n hon 63,4 )
Vay dén nam 2013 + 64 = 2077 thi dan s6 Viét Nam sé tang gdp doi.

Caiu 04. Theo s6 liéu tir Tong cuc thdng ké, dan s6 Viét Nam nam 2015 la 91,7 triéu nguoi.
Gia st ti 1¢ gia tdng dan s6 hang nam cta Viét Nam trong giai doan 2015 -2030 & mtrc
khong doila 1,1% . Hoi dén ndm nao dan s6 Viét Nam dat mac 113 triéu nguoi?

A. Nam 2033. B. Nam 2032. C. Nam 2013. D. Nam 2030.

Loi giai tham khao
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Goi M 1a dan s8 ctia ndm 14y lam mdc tinh,  1a ti 1é ting dan s hang nam. Khi d6
dan sd sau N ndm la Me"" . Tir d6 theo gia thuyét dau bai ta ¢6 113 =91,7""".

Ciu 05. Nam 2001, dan sd Viét Nam la 78685800 nguoi. Ty 1é tang dan sd nam do6 1a
1,7%. Biét rang su su tang dan s6 wdc tinh theo thitcS = Ae™" , trong d6 A 1a dan s6 ctia
nam lay lam mdc tinh, S: dan s6 sau N nam, r: ti 1¢ tang dan sd hang nam. Hoi véi ti
lé tang dan s6 nhw vay thi dén nam nao dan sd nuwdc ta 6 mirc 120 triéu nguoi?

A. 2025. B. 2030. C. 2026. D. 2035.

Loi giai tham khao
L&y ndm 2001 1am mdc tinh, ta c6: A =78685800,r =0,017,S =120.10°

Tt bai todn: 120.10° = 78685800.e" """ = N = 24,825 ~ 25

Tuwong ting v6i ndm: 2001 + 25 = 2026.

Cau 06. Mot khu rimng cé trit lwong gb 4.10° mét khdi. Biét tdc do sinh treong ctia cac
cay & khu ritng d6 12 4% mdi ndm. Tinh s6 mét khéi gd khu ring d6 sé cd sau 5 nam.
A. 410°.(1+0,04)°. B. 4.10°(1+0,4)°.  C. 4.10°(1—0,04)°. D. 4.10°(1+0,04)°.

Loi giai tham khao
Goi trit lwong gS ban dau la V,, t6c d6 sinh trudng héng nam cua rung la i phan
tram. Ta co:
- Sau 1 ndm, tri lwong gd 1a: V, =V, +iV, = (1+i)V,
- Sau 2 ndm, trit lwong gd la: V, =V, +iV, = (1+i)V, = (1+i)’V,

- Sau 5 ndm, trit luong gb la: V, = (1+i)°V,

Thay V, =4.10°(m%),i =4% =0,04 = V, =4.10°(1+0,04)".

Cau 07. Mot khu ring ¢ trit luong gb 7.10° mét khoi. Biét t6c do sinh trudng ctia cac
cay & khu rirng d6 12 5% mdi ndm. Tinh s6 mét khéi gd khu ritng d6 sé cd sau 5 nam.
A.7.10°(1+0,05)". B.7.10°.0,05°. C. 7.10°(1-0,05) . D. 7.10°(2+0,05) .

Loi giai tham khado

Sau n ndm, khu rirng c6 s8 mét khdi gb 1a: a(l + i%)n.

Caiu 08. Mot con ca hoi boi ngurge dong dé vuot mot khoang cach la 300 km . Van tdc
cta dong nude la 6 km / h. Néu van tSc boi ctia ca khi nude dung yén 1a v (km/h) thi
ndng leong tiéu hao cua ca trong t gio dugc cho boi cong thirc: E (v) =cv’t.

Trong d6 ¢ 1a mdt hang s8, E dwoc tinh bang jun. Tim van tdc boi ctia ¢4 khi nwde

ding yén dé nang luong tiéu hao la it nhat.
A. 6 km/h. B. 9 km/h. C. 12 km/h. D. 15 km/h.

Loi giai tham khao
Van tdc cua cd boi khi ngueoc dong la: v-6 ( km / h).

File word lién hé qua  Facebook: wwuw.facebook.com/VanLuc168 [ Nguyén Viin Luc |0




Thoi gian d€ ca boi vuot khoang cach 300 km la f = .
v f—

Niang luong tiéu hao cua ca dé€ vuot khoang cach dé la:

E(v)=c0’. 39 _ 300c. v (jun),v>6

v—6 v—6
E (v) = 600c0® 2=2_
()= o0 =2
E(v)=0<:> U—O(loai)
v=9

Cau 09. Nha ban Linh c6 mot trang trai nuoi ga. Ti 1€ tang dan hang nam la 20% . Tinh
xem sau 10 nam dan ga nha ban Linh c6 bao nhiéu con, biét r?ang lic dau trang trai ¢
1.200 con ga.

A. 7430 con. B. 7000 con. C. 7600 con. D. 7800 con.

Loi giai tham khao
Goi S, la s6 lwong ga ban dau, g la ti 1é tang hang nam

S. (i = 1..10) la s6 lwgng ga sau i nam

S6 lwong ga sau 1 ndm la: 5, =S +5,.9 =S, (1 +q).
2

SO lwong gasau2namla: S, =S, +59=S5, (1+q)+50(1+q)q250(1+q)

Vay sau 10 ndm ta duoc S, =S, (1+q)" =1200.(1+0,2)" =7430.

Céu 10. Su tang trudng cta loai vi khudn tuan theo cong thitc S = Ae’, trong d6 A la
s0 luong vi khuan ban dau, r la ti 1¢ tang truwong (r > 0) , t 1a thoi gian tang trudng.
Biét s6 vi khudn ban dau 1a 100 con va sau 5 gio ¢6 300 con. Héi thoi gian d€ vi khuan
tang gap doi s6 ban dau gan dang nhat véi két qua nao trong cac két qua sau?

A. 3 gio 9 phut. B. 4gio 10 phut. C.3gio 40 phat. D. 2 gio 5 phut.
Loi giai tham khao
In3

Sau 5h ¢ 300 con, suy ra 300 =100.e” = r = . 0.2197

In200 —1n 100

~ 3,15 =3h15'
0,2197

Vi khuan tang s6 luwong gap doi sau thoi gian ¢ =

Céu 11. Sy tidng trudng ctia mot loai vi khuan tuén theo cong thitc S = Ae”, trong dé
A la s6 luwong vi khuan ban dau, r la ti 1€ ting trueong (r >0), t la thoi gian ting
trudng. Biét rang sd luwong vi khuan ban dau la 100 con va sau 5 gio ting 1én 300 con.
Hoi sau 10 gio thi c6 bao nhiéu con vi khuan?
A. 600. B. 700. C. 800. D. 900.
Loi giai tham khao

Theo dé ta co:

100.e”" =300 = In(100.°") = In 300

:Srzln@: r =lln3
100 5

l11‘[3 10
Sau 10 gio ttr 100 con vi khuén sé cé: s = 100.6[5 J =100.e™" =900 con.
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Cau 12. Cac loai cay xanh trong qua trinh quang hop sé nhan dugc mot lwong nho
cacbon 14 (mot dong vi ctia cacbon). Khi mot bo phan cia mot cai cdy nao dobi chét thi
hién teong quang hop cling ngung va n6 khong nhan thém cacbo 14 nita. Luong
cacbon 14 ctua by phan d6 sé phan hiy mot cach cham chap, chuyén héa thanh Nito 14.
Biét rdng néu goi P (t) la s6 phan trdm cacbon 14con lai trong mot bd phan cia mot cai

cay sinh truwong tir t nam truoc day thi P(t) duwoc tinh theo cong thtc
t
P(t)=100.(0.5)70 (%).
Phan tich mot mau gb tir cong trinh kién tric 6, nguoi ta thay luong cacbon 14 con

lai trong mau gb d6 1a 65%. Hay tinh nién dai cia cong trinh kién trtic dé.
A. 3570 nam. B. 3574 nam. C. 3578 nam. D. 3580 nam.

Loi giai tham khao

_t
Ta c6: P(t)=65. Nén ta c6 phuong trinh: 100.(0.5) = 65 <> t = 5750. In0.65

~ 3574 .
In0.5

Cau 13. Nguoi ta tha mot 1a beo vao mot ho nude. Gia st sau 9 gio, beo sé sinh so6i kin
ca mat ho. Biét rang sau mdi gio, lugng 14 béo tang gap 10 Tan lwong 14 béo trude do va
A TA A RO, Mo s A A
toc do tang khong doi. Hoi sau may gio thi s6 1a beo phu kin 7 & ho?
10° 9

A. 3. B. 7 C.9—10g3. D

"log3’

Loi giai tham khao
Sau 9 giv c6 10° 14 beéo (day hd).
Sau n gio c¢6 10" 1a beo (% ho).

Suy ra: 10" :%109 =n=9-log3.

Ciu 14. Khi nudi mot loai virus trong mot dudng chat dac biét sau mot khoang thoi
gian, nguoi ta nhan thdy sd luong virus cd thé dugc wdc luong theo cong thirc
m(t) =m, 2K trong d6 m, la s6 luong virus (don vi “con”) duoc nuoi tai thoi diém
ban dau; k la hé sd dac trung ctia dudng chat da st dung d€ nuoi virus; ¢ la khoang
thoi gian nuoi virus (tinh bang phut). Biét rang sau 2 phut, tir mot lwong virus nhat
dinh da sinh s6i thanh dan 112 con, va sau 5 phat ta c6 tong cong 7168 con virus. Hoi
sau 10 phat nuoi trong dudng chat nay, tong so virus cé dwogc la bao nhiéu?

A._7.340.032 con. B. 874.496 con.

C. 2.007.040 con. D. 4.014.080 con.

Loi giai tham khao
Theo cong thire m(t)=m 2" ta co:
{112 =m(2)=m2" {mo =7
7168 =m(5)=m 2" ~ [k=2
Vay sau 10 phut, tdng s8 virus 6 duoc la suy ra m(10) =7.2>"" =7.340.032 con.
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» Dang 124. Bai toan van dung veé lai suat ngan
hang

Cau 15. Mot nguoi gui tiét kiém voi 1ai suat 6%/nam va 1ai hang ndm dwoc nhap vao
von. Hoi sau bao nhiéu nam, nguoi d6 thu duoc s tién gap ba sd tién ban dau?
A.17. B. 18. C. 19. D. 20.
Loi giai tham khao
Goi s0 tién giri ban dau la P. Sau n nam, s6 tién thu duoc la:
P, =P(1+0,06) =P(1,06)"

D& P, =3P thiphaicé (1,06)" =3. Do dé n=1log, , 3~18,85.

Vi 1 1a s tw nhién nén ta chon n =19.

Ciu 16. Mot nguoi goi tiét kiém véi 1ai sudt 7,5% mot ndm va 1ai hang nam dwgc nhap
vao von. Hoi sau bao nhiéu ndm nguoi do6 thu lai duoc s6 tién gap doi so tién ban dau?
A. 4 nam. B. 6 nam. C. 10 nam. D. 8 nam.
Loi giai tham khao
Mot nguoi gri s6 tién 1la M véi 1ai suat r thisau N ki s6 tién nguoi d6 thu duoc ca

von 1anlaila M(1+7)" .

Cau 17. Mot nguoi gui tiét kiém voi 1ai suat 8,4 %) /nam va 1ai hang ndm dwoc nhap vao
von. Hoi d€ nhan duoc s6 tién gdp 3 lan s6 tién ban dau thi nguoi dé can g s6 tién trén
toi thi€éu trong bao nhiéu nam?
A. 13 nam. B. 14 nam. C. 15 nam. D. 16 nam.
Loi giai tham khao
Goi P latién von ban dau. P, = P(1+0.084)" =3P = n =1log, ,, 3 = 13.62.

Cau 18. Mot nguoi gt tiét kiém véi 1ai suat 8,4% nam va lai hang nam dugc nhap vao
von, hoi sau bao nhiéu nam ngwoi d6 thu dugc gap doi so tién ban dau?
A. 6. B.7. C.8. D. 9.
Loi giai tham khao
P =P(1+r)" =>2P=P(1+r)" < 2=(1,084)" = n=1log, ,, 2~9.
Céu 19. Ong An gtri 100 triéu vao tiét kiém trong mot thoi gian khé 1au ma khong rat ra
voi 1ai suat 6n dinh trong mdy chuc ndm qua la 10%/ 1 ndm. Tét nam nay do 6ng ket
tién nén rat hét ra d€ gia dinh dén Tét. Sau khi rat ca von 1an 13, 6ng trich ra gan 10
triéu d€ sam stra d6 Tét trong nha thi 6ng con 250 triéu. Hoi dng da gui tiét kiém bao

nhiéu lau?
A. 10. B. 15. C.17. D. 20.
Loi giai tham khao
Goi nla s6 nam 6ng An da gui tién. Khi d6, so tién 6ng rut ra la:
100(1+0,1)" =100.1,1" tri¢u.
Theo gia thiét ta co: 250 <100.1,1" < 260 hay log,,2,5<n<log,, 2,6 nén n=10.
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Cau 20. Mot nguoi ghii tiét kiem vdi s6 tién ban dau la 100 trieu dong véi lai suét
8,4%/nam va lai hang nam dwoc nhap vao von. Hoi sau bao nhiéu nam nguoi d6 thu
200 triéu dong?

A. 8 nam. B. 9 nam. C. 10 nam. D. 11 nam.

Loi giai tham khao
Goi s6 tién ban dau la m. Sau n nam s6 tién thu duoc P, = m(l +0, O84)n = m(l, 084)”
b€ so tién gap doi thu duwoc ta cé 2m = m(1,084)n . Tim duwoc n~8,59.

Vi n 1a s ty nhién nén ta duoc n=9.

Cau 21. Mot nguoi giri vao ngan hang 100.000.000, ki han 1 nam thé thitc 1ai suat kép,
véi lai sudt 7,5%/ nam . Hoi néu d€ nguyén nguoi gii khong rut tién ra , va lai suat
khong thay do6i thi toi thi€u sau bao nhiéu ndm ngwoi giri cé dwgc 165.000.000 vnd?

A. 9 nam. B. 6 nam. C. 8 nam. D. 7 nam.

Loi giai tham khao
Taco: T = P.(1+7)" < 165 =100.(1+7.5%)" < n~6,9.
= Can 7 ndm dé€ ¢ du s6 tién nhu y.

Cau 22. Ong Minh dén siéu thi dién may d€ mua mot cai mdy gidt voi gid 12 triéu dong
theo hinh thirc tra gop voi lai sudt 2,5% /thang. D€ mua tra gop 6ng Minh phai tra
truede 40% sO tién, sO tién con lai dng sé tra dan trong thoi gian 6 thang ké tir ngay mua,
mdi [an tra cach nhau 1 thang. S6 tién mdi thdng dng Minh phai tra 1a nhir nhau va tién
1ai dwgc tinh theo no goc con lai & cudi moi thang. Hoi, néu 6ng Minh mua theo hinh
thitc tra gép nhu trén thi so tién phai tra nhiéu hon so véi gia niém yét la bao nhiéu?
Biét rang 1ai sudt khong d6i trong thoi gian 6ng Minh hoan no. (lam tron dén chir s§

hang nghin)
A. 642.000 dong. B. 520.000 dong.
C. 480.000 dong. D. 748.000 dong.

Loi giai tham khado
S6 tién 6ng Minh vay tra gop la: A =12.10° —12.10°.0,4 =7.200.000 dong
Goi a la s6 tién 6ng Minh phai tra gép hang thang.
Heét thang tht nhét, s6 tién conno la: N, = A(1+7)-a

Heét thang thit 2, s0 tién con ng la: N, = N, (1+r)—a = A(1+r)2 —a(l+r)-a

Hét thang thit 3, s6 tién conno la: N, = A(l + r)3 - a(l + r)2 - a(l + r) —-a

Cudi thang thit n, s0 tién con ng la:

n n-1 n-2 n ! -
~ - (1+7) -1
N, —A(1+r) —a(1+r) —a(1+r) —...—a—A(1+r) —a.f
R , \ Ar(1+r)’
Dé tra hét ng sau n thang thi: N, =0 ©a=—-——"
(1+r) -1
7,2.10°.0,025(1,025)’ .
=>a= - ~1.307.000 dong
(1,025)" -1

Vay s6 tién dng B phai tra nhiéu hon khi mua bang hinh thtec tra gép 1a:
1.307.000 x 6 —7.200.000 = 642.000 dong.
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Cau 23. Mot nguoi hang thang giti vao ngan hang mot khoang tién T theo hinh thic 1ai
kép vdi i sudt 0,6% mdi thang. Biét sau 15 thang nguwedi d6 c6 sd tién 1a 10 triéu dong.
Hoi s6 tién nguoi d6 gri hang thang la bao nhiéu?
A. 635.000. B. 535.000. C. 613.000. D. 643.000.
Loi giai tham khao
Sau 1 thang nguoi d6 co6 so tién: T, = (1 +r)T

Sau 2 thang ngwoi d6 co so tién:
T,=(T+T)(1+r)=(1+7)T+T,(1+7)=(1+7)T+(1+7) T
Theo quy luat do sau 15 thang nguoi do co so tién

Ts :T[(1+r)+(1+r)2 +...+(1+r)15}

=T(1+r)[1+(1+r)+(1+r)2 +...+(1+r)11=T(1+r)—(1+rr) -1

Thay cac gia tri T,, =10, r =0.006, suy ra T ~ 635.000.

Cau 24. Anh Son vay tién ngan hang mua nha tri gia 1 ti dong theo phwong thtec tra
g6p. Néu cudi mdi thang bat dau tir thang thit nhat anh tra 12 triéu va chiu lai s6 tién
chua tra la 0,5% thang thi sau bao 1au anh tra hét ng?
A. 3 nam. B. 3 nam 1 thang. C.3ndm 2 thang. D. 3 nam 3 thang.
Loi giai tham khado
Goi n la s6 thang anh can tra v4i n ty nhién
Sau thang thit nhat anh con no

S, =10°. (1 + ;’Ogj 30.10° = 10%.1,005 - 30.10° dong

Sau thang thtt hai anh con ng

S, =S,.1,005-12.10° = (109.1 005 —30.10°).1,005 - 30.10°

o6 1,005” -
0,005

Ti€p tuc qua trinh trén thi so tién anh Son con ng sau n thang sé la

5, =10°.1,005" ~30.10°, 222 —1 _
n 0,005

=1,005" =1,2 = 1 = log, s 1,2 ~ 36,555
Do d6 sau 37 thang sé tra hét ng titc 3 ndm 1 thang.

=10%.1,005% - 30.1 ! dong

Ciu 25. S tién 58 000 000d gui tiét kiém trong 9 thang thi 1anh vé duoc 617580004. Hoi
1ai suat ngan hang hang thang la bao nhiéu ?
A. 0,8%. B. 0,7%. C.0,5%. D. 0,6%.

Loi giai tham khao
Bai toan 1ai suat ngan hang dwa trén kién thirc vé s6 mi ¢ chuwong trinh 16p 12.
Ta c6 goi murc 1ai sudt hang thang la a %

Sau thang thit nhat s6 tién trong tai khoan ctia ngwoi dé la: 58000000 (1 + LJ

2
Sau thang thi hai s tién trong tai khoan ctia nguoi dé la: 58000000 (1 + Lj
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Sau thang thit chin s tién trong tai khoan cua nguoi d6 la:

9
58000000| 1+—— | =61758000.
100

=>a= (3/61758000 : 58000000 — 1) 100~0,7.

Cau 26. S6 tién 58.000.0004d gui ti€t kiém trong 8 thang thi nhan vé dwoc 61.329.0004.
Tim 1ai suat hang thang.
A. 0.8%. B. 0,7%. C.0,9%. D. 0,6% .

Loi giai tham khao

Lai suat hang thang: r = ?/W -1=0,7%.
58000000

Cau 27. Mot gia dinh c6 con vao 16p mot, ho mudn dé€ danh cho con mét s6 tién la
250.000.000 dé€ sau nay chi phi cho 4 nam hoc dai hoc ctia con minh. Hoéi bay gio ho
phai gui vao ngan hang so tién la bao nhiéu dé€ sau 12 ndm ho sé duoc s tién trén
biét 1ai suat ctia ngan hang la 6,7% mot ndam va 1ai sudt nay khong doi trong thoi gian
trén?

~250.000.000 P 250.000.000

P="""" (triéu dong). = triéu dong).
0,067y \riewdong) (116,72 (rieudong)
P= —2?282(7))?9 < (triéu dong). D. P= —25((1.06070).200 (triéu dong).

Loi giai tham khao
250.000.000
P=——
(1,067)
Cau 28. Mot nguoi ghii goi tiét kiém linh hoat ctia ngan hang cho con véi so tién la
500000000 VND, 1ai suat 7%/nam. Biét rang nguoi 4y khong 13y 1ai hang nam theo
dinh ky so tiét kiém. Hoi sau 18 nam, sd tién nguoi &y nhan vé la bao nhiéu?
(Biét rang, theo dinh ki rtt tién hang ndm, néu khong 14y 1ai thi s§ tién s& duoc nhap
vao thanh tién goc va so ti€t kiém sé chuyén thanh ki han 1 nam ti€p theo).
A. 4.689.966.000 VND. B. 3.689.966.000 VND.
C. 2.689.966.000 VND. D. 1.689.966.000 VND.
Loi giai tham khao

(triéu dong).

Ap dung cong thiic
T=A.(1+r)" voi Alatién goc ban dau, r 1alaisuat, n 1a s6 nam
= T =500000000(1+ 0,07)" = 1.689966000.
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Cau 29. Ban An muén mua mot chi€c may tinh xach tay tri gia 15 triéu dong. D€ c6 tién
mua may, hang thang ban An tiét kiém va gii vao ngan hang mot s6 tién nhu nhau theo
chinh sach 1ai kép véi lai sudt 5% /nam, ky han 1 thang. Hoi d€ sau mot nam c6 15 triéu
mua may, ban An can gti vao ngan hang mdi thang sd tién 1a bao nhiéu?

62500

A. - (dong ).
(1 +5%j[(1+ 5%j 1}
12 12
B. o250 (dong ).
(1 +5%JH1+ 5%j.lZ —1}
12 12
C. 621500 Bag)

D. 62500 (dong).

Loi giai tham khao

Goi a la so tién ma hang thang ban An can gii vao ngan hang va dat
r:%% /thang la 1ai sudt theo ky han 1 thang ta co:
Cudi thang thit 1, néu An nhan thi dwgc so tién: Ai=a(1+r)
Cudi thang thit 2, néu An nhan thi duoc so tién:

A, :( A, +a)(1+r) :a(1+r)2 +a(1+r)
Cudi thang thit 3, néu An nhan thi dwgc so tién:

A, :(A2 +a)(1+r) =a (1+r)3 +a(1+1’)2 +a(1+r)

- ... Cudi thang thit 12, s6 tién An nhan duoc:

a(l+7r)[(1+7r)? -1]

Ap=a(l+r)" +a(1+r) +. . +a(l+r)=
.
5 12
a(1+—%)[(1+ %) —1]
Nhu vay ta co: 12 = 15000000
2o,
12
62500 T .m
<>a= 5 =>a= » .
(1+f%)[(1+ %)2 ~1] (L+m)[ (L+m)" 1]

12

Cau 30. Mot ngwoi mudn sau 1 nam phai c6 so tién la 20 triéu dong d€ mua xe. Hoi
nguoi d6 phai giri vao ngan hang 1 khoan tién nhw nhau hang thang la bao nhiéu? Biét
1ai suat tiét kiém 1a 0,27% / thang.
A. 1637640 dong. B. 1637639 dong.
C. 1637641 dong. D. 1637642 dong.
Loi giai tham khao

Cu6i thang thit I, nguoi d6 co s6 tiénla: T, =a+a.m = a(l +1m).

Pau thang thit II, nguoi d6 o s6 tién la:
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Cuo6i thang thit II, nguoi dé cd so tién la:

T, = (Lem) =1+ 2| (1m) <1 =2 (14 m) <1 |(1+m)

m m m

Cuo6i thang thit n, nguwoi do o so tién ca goclan laila T :

T, :ﬂ[(nm)” —1}(1+m)

m
L™ 15 m)
=>n= 4 -1
Ln(1+m)

Ap dung cong thirc v6i T, =20000000; m =0,27% =0,0027; n=12. ta suy ra:

a=1637 639,629 dong.
Cau 31. Lai sudt cia mot ngan hang 1a 6% /nam va 1,4% / quy. Ong A gti 100 triéu véi
lai suét tinh theo nam, 6ng B gri 100 triéu voi 1ai sudt tinh theo quy. Hoi sau 2 nam, s&
tién nhan dugc ctia 6ng A hon 6ng B gan véi s§ nao nhat sau day biét rang trong
khoang thoi gian d6, 1ai suat khong thay ddi, nguoi gii khong rut 1ai tién 1ai sau moi ky

dwgc nhap vao von ban dau?

A. 596 ngan dong. B. 595 ngan dong.
C. 600 ngan dong. D. 590 ngan dong.
Loi giai tham khao

2 nam = 2 quy.

Sau 2 nam, s6 tién dng A nhan dwoc 1a 100-1,06 triéu dong
Sau 2 nam, s6 tién dng B nhan dwgc la 100-1,014° triéu dong
Vay, sau 2 ndm s0 tién 6ng A nhan dwoc hon 6ng B la
(100-1,06> ~100-1,014° ) -1000 ~ 595,562 nghin dong

Vay, chon dap an A.

Cau 32. Guri tiét kiém ngan hang vdi so tién M, theo thé thic 1ai kép lién tuc va lai suat
modindm 1a 7 thisau N ki gl sO tién nhan duoc ca von 1an 13i dwoc tinh theo cong thirc
M.e™. MOt ngudi gt tiét kiém s6 tién 1a 100 triéu dong theo thé thirc 1ai kép lién tuc,
véi 131 sudt 8% mdt ndm, sau 2 ndm sd tién thu vé ca von 13n 13i 1a bao nhiéu?

A. 100.e*" ( triéu dong). B. 100.e"® ( triéu dong).

C. 100.(¢*** 1) ( triéu dong). D. 100.(¢"® ~1) ( triéu dong).

Loi giai tham khao
S6 von ban dau la M, theo thé thirc 1ai kép lién tuc, 1ai sudt m6i nam la r thi sau N

ki, s0 tién ngudi d6 thu dwoc ca von lan 13ila Me"" .

Cau 33. Mot nguoi gui tiét kiém 100 triéu dong voi 1ai sudt kép theo quy la 2% . Hoi
sau 2 nam nguoi do 1ay lai dwgc tong la bao nhiéu tién?
A. 17,1 triéu. B. 16 triéu. C. 117, 1 triéu. D. 116 triéu.
Loi giai tham khao
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Luu y rang mot nam c6 4 quy va lai suat kép duoc hidu 1a 1ai quy sau bang 2% so véi
tong so tién quy trude. Do d6, ta c6 ngay sO tién thu dwgc sau 2 ndm ( 8 quy) la:
1,02°.100 ~ 117,1.

Cau 34. Ong Toan gtri 50 triéu dong vao ngan hang ngan hang ACB theo thé thitc lai
kép ( dén ky han ma nguoi gii khong rut 1ai ra thi tién 1ai dwoc tinh vao von ctia ky ké
tiép) v6i 1ai sudt 14% mot ndm. Hoi sau hai ndm 6ng Toan thu dwoc ca von 1an 13i bao
nhiéu (Gia st 1ai suat khong thay d6i)?

A. 64,98 (triéu dong). B. 65,89 (triéu dong).

C. 64,89 (triéu dong). D. 63,98 (triéu dong).

Loi giai tham khao
Ap dung cong thiic tinh 1ai kép, sau hai ndm 6ng Toan thu dwoc ca von 1an 1ai la
50(1+0,14)" = 64,98 (triéu dong)

Ciu 35. Mot ngroi giri 10 triéu dong vao ngan hang. Hoi néu theo ki han 3 thang véi 1ai
suat 1,65% mot quy thi sau hai ndam nguoi d6 nhan duoc sO tién (triéu dong) la bao
nhiéu?

A.10.(1,0165°.  B.10.(0,0165)". C.10.(1,165°.  D. 10.(0,165)".

Loi giai tham khado
Ap dung cong thiic 1ai kép: ¢ = p(l + r)n trong d6 p 1a sd tién g, r 1a 1ai suat moi
ky, n laso ky gui, Vay sau 2 ndm ( 8 quy) nguoi d6 thu dwgc so tién la:

8
c=10 1+1’65 .
100
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Cau 36. Mot nguoi g tiét kiém 500.000.000 dong véi 1ai suat 8,4%/ ndm (gia str 13i suat
hang ndm khong thay d6i va lai hang nam dwgc nhdp vao von). Tinh s6 tién nguoi do6
thu dwoc sau ba nam.

A. 620.000.000 dong. B. 626.880.000 dong.

C. 616.880.352 dong. D. 636.880.352 dong.

Cau 37. Anh T mudn xay mot ng6i nha tri gia 500 triéu dong sau 3 nam nita, biét 1ai suat
ngan hang van khong d6i la 8% mot nam. Hai tai thoi di€m hién tai sO tién it nhat anh T
phai gt tiét kiém vao ngan hang theo thé thic 1ai kép dé€ ¢ du tién xay nha (két qua lam
tron dén hang triéu )?

A. 395 triéu dong.  B. 396 triéu dong.  C.397 triéu dong. D. 398 triéu dong.

Cau 38. Ong A c6 800 triéu dong, glri ngan hang véi lai sudt 10%/nam. Sau 3 nam 6ng
A thu dwoc ca von 1an 13i 1a bao nhiéu?
A. 800.(1,001)’ (triéu dong). B. 800.(1,01)" (triéu dong).

C. 800.(1,1)" (triéu dong). D. 800.(1-0,1)  (triéu dong).
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Cau 39. Mot nguoi giri ngan hang 500 triéu dong vaéi 1ai sudt kép theo quy la 3%. Hoi sau
3 nam nguoi dé duwogc tong bao nhiéu tién?

A.701,4 triéu dong. B. 712,9 triéu dong.

C. 821,4 triéu dong. D. 696,9 triéu dong.

Cau 40. Mot sinh vién moi ra truong di lam duwoc linh lwong khoi di€ém 1a 4 triéu/ thang.
Ct sau 1 nam, luong duoc ting thém 10% . Biét rang, tién sinh hoat phi hang thang la
2,5 triéu dong. Hoi sau 4 nam, sinh vién do tiét kiém duoc s6 tién gan véi s6 nao nhat

sau day?
A. 105 triéu dong. B. 106 triéu dong.
C. 102 triéu dong. D. 103 triéu dong.

Céu 41. Mot anh sinh vién duoc gia dinh gii vao so tiét kiém ngan hang la 80 triéu dong
véi 1ai sudt 0.9%/thang. Hoi sau dang 5 nam s tién trong so tiét kiém la bao nhiéu? Biét
rang trong sudt thoi gian d6 anh sinh vién khong rat mot dong nao ca von 1an 1ai.

A. 237.949.345,6 (dong). B. 137.949.345,6 (dong).

C. 126.949.345,6 (dong). D. 136.949.345,6 (dong).
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Cau 42. Gia sit ban An gui déu dan mot sO tién trich tir 20% lwong ctia An, biét An co
lwong 10 triéu dong mdi thang. Theo hinh thikc 1ai kép vdéi 1ai suat 0.5% thang. Vay sau 1
nam thi An nhan duoc tdong sd tién 1a bao nhiéu?

(1+0.005)" -1

0.005
0.005

(1+0.005)" -1
1+0.005)% =1
( )

A. 2.10°.(1+0.005). (dong).

B. 2.10°.(1+0.005). (dong).

C. 2.10°.(1+0.005). 5 (dong).
12
D. 2.106.(1—0.005).(1_ 0'(;)55) ! (dong).

Cau 43. Ong A 6 200 triéu dong, giri ngan hang véi lai sudt 8%/nam. Sau 5 ndm 6ng A
thu dwoc ca von 1an 1ai 1a bao nhiéu?
A. 200.(1+0.08)" (triéu dong). B. 200.(1-0.08) (triéu dong).

C. 200.(1+0.8)" (triéu dong). D. 200.(1,8)’ (triéu dong).

Cau 44. Mot nguoi gai sO tién 1 ty dong vao mot ngan hang véi 1ai sudt 6% nam. Biét
rang néu khong rut tién ra khoi ngan hang thi ctt sau mdi ndm thi s8 tién 1di dwoc nhap
vao von ban dau. Néu khong rat tién ra va 1ai suat khong thay d6i thi sau 5 nam nguoi
d6 nhan dwoc s6 tién 1a (két qua lam tron dén hang tram)?

A. 1276281 600. B. 1 350 738 000.

C. 1298 765 500. D. 1 338 226 000.
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Cau 45. Mot nguoi dau tu 100 triéu dong vao mot cong ti theo thé thirc 1ai kép véi lai
suat 13% mot nam. Hoi néu sau 5 nam mai rat 1ai thi nguoi d6 thu duoc bao nhiéu tién
13i? (Gia st rang l1ai sudt hang nam khong dci).

A. 100 [(1,13)5 - 1} (triéu dong). B. 100 [(1,13)5 n 1} (triéu dong).

€. 100[(0,13)’ -1 (triéu dong) D. 100(0,13)’ (tri¢u déng).

Cau 46. Mot nguoi gt 20 triéu dong vao ngan hang theo thé thirc 1ai kép ki han 1 nam
véi 1ai sudt 6,80% mot nam. Hoi nguoi dé thu duoc bao nhiéu triéu dong (ca von 1an 1ai)
sau 5 ndm gtti? Biét rang, 1ai sudt ngan hang khong thay d6i trong thoi gian nguoi d6
gui.

A. m=20(1,068)’ (triéu dong). B. m=20(1,68)’ (triéu dong).

C. m=20(0,068)° (triéu dong). D. m =20(1,0068)’ (triéu dong).
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Cau 47. Mtec lam phat ctia VN 1a 12% /3 ndm, nghia la gia san pham sé tang lén 12%
sau mdi 3 ndm. Mot ngdi nha 6 TPHCM c6 gia 1a 1.000.000.000 (1 ti) dong vao ndm 2016.
Mot nguoi ra treong di lam véi lwong khoi diém la 4.000.000 (4 triéu dong) mot thang.
Gia st sau 3 nam thi duwgc tang thém 10% va chi tiéu hang thang cta nguoi do 1la 50%
lwong. Hoéi sau bao nhiéu nam di lam thi nguoi d6 tiét kiém dwoc 1.000.000.000?

A. 28. B. 27. C. 26. D. 25.

Cau 48. Mot nguoi giri vao ngan hang 100 triéu dong véi 1ai sudt ban dau 1a 5%/ nam va
1ai hang thang dwoc nhap vao von. C& sau 2 nam, lai suat giam 0,2%. Hoéi sau 6 nam,
tong sO tién nguoi dé nhan dwgc gan voi s6 nao nhat sau day?

A. 119,5 triéu dong. B. 132,5 triéu dong.

C. 132 triéu dong. D. 119 triéu dong.

Cau 49. Mtec lam phat ctia VN 1a 12% /3 ndm, nghia la gia san pham sé tang lén 12%
sau mdi 3 ndm. Mot ngdi nha 6 TPHCM c6 gia 1a 1.000.000.000 (1 ti) dong vao ndm 2016.
Mot nguoi ra treong di lam véi lwong khoi diém la 4.000.000 (4 triéu dong) mot thang.
Gia st sau 3 nam thi duoc tang thém 10% va chi tiéu hang thang ctia ngwoi dé la 50%
lwong. Hoi sau khi dilam 21 nam thi nguoi dé tiét kiém dwoc bao nhiéu tién?

A. 683.076.312. B. 823.383.943.

C. 504.000.000. D. 982.153.418.
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Cau 50. Mtec lam phat ctia VN 1a 12% /3 ndm, nghia la gia san pham sé tang lén 12%
sau mdi 3 ndm. Mot ngdi nha 6 TPHCM c6 gia 1a 1.000.000.000 (1 ti) dong vao ndm 2016.
Mot nguoi ra treong di lam véi lwong khoi diém la 4.000.000 (4 triéu dong) mot thang.
Gia st sau 3 nam thi duwgc tang thém 10% va chi tiéu hang thang cta nguoi do 1la 50%
lwong.
Néu muén mua nha sau 21 nam di lam thi lwong khoi diém phai 1a bao nhiéu?

Biét mttc lam phat va mtrc tang lwong khong doi.

A. 6.472.721. B. 12.945.443.

C. 17.545.090. D. 8.772.545.

Cau 51. D€ ¢ mot khoan tién tiéu tét, ban Hung quyét dinh dat lon d€ danh tién. Ngay
dau tién 10.000 dong, mdi ngay sau d6 hon ngay trudc 1000 dong. Sau sau thang (180
ngay) ban Hung mudn biét minh da cé bao nhiéu tién nhung khong muén mo lon. Vay
sO tién ban da dé danh dwoc la bao nhiéu?

A. 17.910.000 dong. B. 18.910.000 dong.

C. 19.910.000 dong. D. 16.910.000 dong.

Cau 52. Ong Nam gtti 320 triéu dong ¢ hai ngan hang X va Y theo phuong thitc 13i kép.
SO tién thit nhat gii 6 ngan hang X voi 1ai sudt 2,1% mot quy trong thoi gian 15 thang.
SO tién con lai giri & ngan hang Y véi 1ai suat 0,73% mot thang trong thoi gian 9 thang.
Tong loi tiee dat dwgce 6 hai ngan hang 1a 27507 768,13 (chwa lam tron). Hoi s6 tién ong
Nam lan lwgt gii & ngan hang X va Y la bao nhiéu?

A. 140 triéu va 180 triéu. B. 180 triéu va 140 triéu.

C. 200 triéu va 120 triéu. D. 120 triéu va 200 triéu.
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Cau 53. Mot nguoi gui 10 triéu dong vao ngan hang trong thoi gian 10 nam véi 1ai suat
5% mot nam. Héi rang ngureoi d6 nhan duoc s6 tién nhiéu hon hay it hon bao nhiéu néu

A 1as C1xs oo O Ar T
ngan hang tra lai suat E% mot thang?

A. Nhiéu hon 1811486 dong. B. It hon 1811486 dong.
C. Nhu nhau. D. Nhiéu hon 1811478 dong.

Cau 54. Ong A vay ngan han ngan hang 100 triéu dong, véi 1ai sudt 12%/nam. Ong mudn
hoan no cho ngan hang theo cach : Sau dung mot thang ké tir ngay vay, 6ng bat dau
hoan ng; hai [an hoan no lién tiép cach nhau dang mot thang, s6 tién hoan ng ¢ mdi [an
la nhw nhau va tra hét tién ng sau dung 3 thang ké tir ngay vay. Hoi, theo cach do, s6 tién
m ma dng A sé phai tra cho ngan hang trong mdi [an hoan ng 1a bao nhiéu ? Biét rang, 1ai
suat ngan hang khong thay doi trong thoi gian 6ng A hoan no.

3 3
A.m= 100.(1,01)” (triéu dong). = % (triéu dong).
3 (1,01)° —
C.m= 100.1,03 (triéu dong). D. m= M (triéu dong).
3 (1,12)° -1
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Cau 55. Ong A c6 650 triéu dong, giri ngan hang véi 1ai sudt 6%/nam. Hoi sau 18 thang
ong A thu dugc ca von lan 1ai la bao nhiéu?
A. 650.(1+0,06)" (triéu dong). B. 650.(1+0,6) " (triéu dong).

C. 650.(1+0,06)" (triéu dong). D. 650.(1+0,6)" (triéu dong).

Cau 56. Ong An giri @ VND vao ngan hang véi 1ai sudt 0,5%/thang. Biét rang néu khong
rat tién ra khoi ngan hang thi ct sau moi thdng s6 tién 1ai sé dwgc nhap vao von ban dau,
Hoi, d€ sau 10 thang 6ng An sé nhan dwoc 20 000 000 VND thi a it nhat 1a bao nhiéu?

A. 19 026 958. B. 19 026 959. C. 19 026 960. D. 19 026 958,8.

Cau 57. Mot nguoi vay von 6 mot ngan hang voi s6 von 1a 50 triéu dong, thoi han 48
thang, 1ai sudt 1,15% trén thang, tinh theo du ng, tra ding ngay qui dinh. Hoi hang
thdng, ngudi d6 phai déu dan tra vao ngan hang mot khoan tién ca gdc 1an 1ai 1a bao
nhiéu dé dén thang thi 48 thi nguwedi d6 tra hét ca gde 1an 1ai cho ngan hang?

A. 1361312 dong. B. 1361313 dong.

C. 1361314 dong. D. 1361315 dong.
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Cau 58. Gia st ti 1é lam phat cta Viét Nam trong 10 nam qua la 5%. Hoi néu nam 2007,
gia xang la 12000VND/lit. Hoi nam 2016 gia tién xang la bao nhiéu tién mot lit?

A. 11340, 00 VND/Iit. B. 113400, 00 VND/Iit.

C. 18616, 00 VND/lit. D. 186160, 00 VND/lit.

w» Dang 125. Bai toan van dung tong hop vé ham

so liy thura — mii — logarit

Cau 59. Trong vat li, sw phan ra ctia cac chat phéng xa duoc biéu dién béi cong thirc:
t

m(t)=m, (%)T , trong d6 m, la khoi lwong ban dau cua chat phong xa (tai thoi diém

t=0); T'la chu ki ban ra (tiec la khodang thoi gian dé’ mot nira khoi lwong chit phong xq bi bién
thanh chit khic). Chu ki ban ra ctia Cabon “C la khoang 5730 ndm. Nguoi ta tim dugc
trong mot mau d6 cd mot lugng Cabon va xac dinh duoc né da mat khoang 25% luong
Cabon ban dau ctia né. Hoi mau d6 ¢8 d6 ¢6 tudi 1a bao nhiéu?

A. 2378 nam. B. 2300 nam. C. 2387 nam. D. 2400 nam.
Loi giai tham khao

Gia st khoi lwong ban dau cia mau d6 cd chita Cabon la m,, tai thoi diém t tinh ti
thoi diém ban dau ta cé:

57301n (3

4] ~2378 (nidm)

In2 In2

—L=me " ot=
—In2

Cau 60. Mot nghién ctru cho thdy moét nhém hoc sinh dwge cho xem cuing mét danh
sach cac loai dong vat va duoc kiém tra lai xem ho nhé bao nhiéu % mdi thang. Sau t
thang, kha ndang nhd trung binh cia nhém hoc sinh dugc cho bdi cong thirc
M(t) = 75—201n(t +1), t>0 (don vi %). Hoi sau khoang bao lau thi nhdm hoc sinh

nhd duwoc danh sach do dwdi 10% ?
A. 24.79 thang. B. 23 thang. C. 24 thang. D. 22 thang.

Loi giai tham khao
Theo cong thitc tinh ti 1€ % thi can tim ¢ thoa man:
75—201n(1+t) <10 & In(t+1) > 325 t>24.79
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Cau 61. Mot cong ty vira tung ra thi truong san phdm mdéi va ho t6 chitc quang cao trén
truyén hinh mdi ngay. Mot nghién cttu thi treong cho thay, néu sau x quang cdo duoc
100
1+49¢7°0

dwgc phat t6i thiéu dé s6 nguwoi mua dat hon 75%.
A. 333. B. 343. C. 330. D. 323.

phat thi s6 % nguoi xem mua san pham la P(x) = x 2 0. Tinh s6 quang cao

Loi giai tham khao
Khi c6 100 quang cao phat ra thi ti 1é nguoi xem mua san pham la:

P(100) = —2__ < 95799%
1+49¢
Khi ¢6 200 quang cao phat ra thi ti 1€ nguwoi xem mua san pham la:
P(200) = ﬂ% ~29.0734%
1+49¢
Khi c6 500 quang cao phat ra thi ti 1é nguwoi xem mua san pham la:
P(500) = —2__ ~97.3614%
1+49¢™"

Céu 62. Cuong do mot tran dong dat M duwoc cho boi cong thiee: M =log A—-log A,
v6i A la bién do rung chan t6i da va A, 1a mot bién do chudn (hang s6) . Dau thé ky
XX, mot tran dong dat ¢ San Francisco c6 ceong do 8 do Richter. Trong cung nam do,
tran dong dat khac ¢ gan dé do dwgc 6 do Richter. Tran dong dat ¢ San Francisco c6
bién d¢ gap bao nhiéu lan bién do tran dong dat nay?

4 3

A. —. B. —. C. 20. D. 100.
3 4

Loi giai tham khao
Goi cuong do va bién do tran dong dat ¢ San Franciscola M va A, tran dong dat con
laila M, va A, ta co:

2-8-6=M-M,=1gA-IgA,—(g A, —lgAO)=1gA£:>Ai=1o2 =100. Chon D.

1 1

Cau 63. Cuong do0 mot tran dong dat M (richer) duoc cho bdi cdng thirc
M =logA-logA, v6i A labién d0 rung chan tdi da, va A, mot bién do chuan. Dau
thé ki XX, mot tran dong dat ¢ San Francisco c¢6 cuong d6 8,3 do Richer. Trong cung
nam do, mot tran dong dat khac 6 Nam My c6 bién d¢ manh gap 4 lan. Tinh ceong do
cua tran dong dat © Nam My.

A. 89. B. 33,2. C. 2,075. D. 11.

Loi giai tham khao

Theo cong thitc tinh M =log A-log A, = logAi.

0

, \ ~ A 4A 4A
Ta co: M, :log%zg va A,,, =4A, nén M,,, =log [IXVM =log AF :10g4+1ogA—Fz8,9

0 [ 0 [

Cau 64. Nam 1982 nguoi ta da biét s6 p =2""" —1 1a s& nguyén td ( s6 nguyén td 16n
nhat biét duoc vao thoi diém do). Hoi, khi viét s6 d6 trong hé thap phan thi sd nguyén
t6 d6 cd bao nhiéu chi s6?
A. 227834. B. 227843. C. 227824. D. 227842 .
Loi giai tham khao
Ta c6: p+1=2""" = log(p+1)=756839.log 2 ~ 227823, 68
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= p + 1 ~ 10227823,68 = 10227823 < p + 1 < 10227824

Vay viét p trong hé thap phan c6227824 s6.

Cau 65. SO cac chit sO cta s6 2*°* 1a bao nhiéu?
A.101.613 chirs6. B. 233.972 chir sO. C.101.612 chi* s6. D. 233.971 chi so.

Loi giai tham khao
SG céc chit s8 ctia s8 n duoc cho boi cong thite [logn]+1, trong d6 [x| la phan
nguyeén cua sd thuc x, vidu [2,99]=2, [3,01] = 3. Vay s6 cdc chi s6 ctia 27" 1a
[log 2% | +1=[33754910g 2 | +1=101.613.

Céu 66. Goi m la s6 chit s6 can dung khi viét s6 2* trong hé thap phan va n 1a sd chiv
s6 can dung khi viét s§ 30° trong hé nhi phan. Tinh téng m +n.
A.18. B. 20. C. 19. D. 21.

Loi giai tham khao
- Phuong phap: S6 chit s6 can dung khi viét s6 A trong hé thap phan la [log A] +1
voi [x] 1a s& nguyén 16n nhat nhé hon hodc bang x.
Tong quat: sO chit s6 can dung khi viét s6 A trong hé n-phan la [logn A] +1
- C4ch giai: Dua vao 2 két qua trén ta ¢
m= [log23°] +1=[30log2]|+1=10
n=|log,30” |+1=[2log,30]+1=10= m+n=20.
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8C. BAI TOAN VAN DUNG VE NGUYEN HAM — TICH PHAN

». Dang 126. Bai toan van dung vé van dong cua
chat diém

Cau 01. Mot vién dan duwogc ban 1én theo phuwong thiang ding véi van tc ban dau la
25m / s. Gia tOc trong treong 1a 9,8m / s*. Tinh quang dwong s ma vién dan di duoc tie
lic ban Ién cho dén khi cham dét.
3125 3125 125 6250
D.s=——m

A.s=——m. B.s=—m. C.s=—m. .S=
98 49 49 49

Loi giai tham khao
Quang duong mot vat di chuyén trong khoang thoi gian tie thoi diém t =¢,(s) dén
tl
thoi diém ¢ = t,(s) v6i van t6c v(t) (m/s) duoc tinh theo cong thitc s = [ o(t)dt.
tU

O day van toc v(t) =25-9,8t.

Ciu 02. Ban Hung ngoi trén may bay di du lich thé gidi va van téc chuyén dong caa
may bay la o(t)=3t>+5 (m/s). Tinh quang dudng s ma may bay di duoc tir gidy thu
4 dén giay tha 10.

A. 246 m. B. 252 m. C. 1134 m. D. 966 m.

Loi giai tham khao
10
S= j(3t2 +5) dt = 966.

4

Cau 03. Mot vat chuyén dong véi van tdc 10 (m/ s) thi ting toc véi gia toc
a(t)=3t+t (m / sz). Tinh quang dudng s ma vat di chuyén trong khoang thoi gian 10
gidy, ké tir ltic bat dau tang tdc.

A 3600 D ED e, M

Loi giai tham khao
Quéng dudng mot vat di chuyén trong khoang thoi gian tir thoi diém t =t (s) dén
tl
thoi diém ¢ = t,(s) v6i van tc v(t) (m/s) duoc tinh theo cong thitc s = [o(t)dt .

t()

O day van téc v(t) la nguyén ham ctia gia toc a(t) .
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Cau 04. Mot vat chuyén dong véi van toc v(t) =1-2sin 2t (m / S). Tinh quang dwong s

(mét) ma vat di chuyén trong khoang thoi gian tir thoi diém ¢t =0 (s) dén thoi diém

37
t=—-Is).
(s
A.s:3—7[—1. B.s:3—7z. C.s:s—”+1. D.S=£.
4 4 4 3

Loi giai tham khao
Quang duong mot vat di chuyén trong khoang thoi gian tie thoi diém ¢ =t¢, (s) dén

t

thoi diém t =, (s) véi van téc o(t) (m/s) duoc tinh theo cong thire s = J. o(t)dt.

to

Cau 05. Mot vat chuyén dong véi van toc v(t) =1-2sin2t(m/s). Tinh quang duong s

ma vat di chuyén trong khoang thoi gian tir thoi diém #=0 (s) dén thoi diém

3z
==
(o
A.%(m). B.%—1(m). C.%—Z(m). D.%”H(m).
Loi giai tham khao
3z

4
S= j(l—zsinzt)dtzs—”—L
) 4
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= BAITAP TU LUYEN v

Cau 06. Mot vat chuyén dong cham dan déu vdi van tdc U(t):160—10t(m/s). Tinh

quéng duong s ma vat di chuyén trong khoang thoi gian tir thoi diém =0 (s) dén thoi
diém vat ding lai.
A. 5=2560m. B. s=1280m . C.s=3840m. D. s=2840m.

Cau 07. Mot 6 t6 dang di véi van toc 16n hon 72km / h, phia trude 1a doan duong chi cho
phép chay véi t6c do t6i da la 72km / h, vi thé nguoi lai xe dap phanh d€ 6 t6 chuyén
ddng cham dan déu vdi van toc o(t) = 30 — 2¢ (m / s), trong do6 t la khoang thoi gian tinh
bang gidy ké tir ltic bat dau dap phanh. Tinh quang dwong s ma 6td di chuyén tir ltic bat
dau dap phanh dén lac dat t6c d¢ 72km / .

A. 100 m. B. 125 m. C. 150 m. D. 175 m.

Cau 08. Mot vat chuyén dong cham dan véi van tdc v(t) =160 - 10t(m / s). Tinh quang

duong s ma vat di chuyén trong 3s trudc khi ding han.
A. 16 m. B. 130 m. C. 170 m. D. 45 m.

Cau 09. Mot 6 to dang chay véi van toc 10m /s thi nguoi lai dap phanh; tit thoi diém do,
0 t6 chuyén ddng cham dan déu véi van tdc U(t) =-5t+10 (m / S), trong do6 t la khoang
thoi gian tinh bang giay, ké tir Itic bat dau dap phanh. Tinh quang duong s ma 6to di
chuyén dugc tir lic dap phanh dén khi dirng han.

A.0,2m. B.2m. C.10m. D. 20m.
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Cau 10. Mot 6 to dang chay voi van toc 12m /s thl ngwoi 1ai dap phanh; tir thoi diém
d6, 6 td chuyén dong cham dan déu véi van tdc o(t) =—-6t+12 (m/s), trong do + 1a
khoang thoi gian tinh bang gidy, ké tir lic dap phanh. Tinh quang duong s ma 6t6 di
chuyén dugc tir lic dap phanh dén khi dirng han.

A.24m. B. 12m. C.6m. D. 0,4 m.

Cau 11. M6t ca n6 dang chay trén ho Tay voi van toc 20m /s thi hét xang; tu' thoi diém
do, ca nd chuyén dong cham dan déu voi van toc v(t) =-5t+20, trong do t la khoang
thoi gian tinh bang giay, ké tu' luc hét xang. Tinh quang dwong s ma vat ca nd di chuyén
duoc tu luc hét xang dén luc dung han.

A.10m. B. 20m. C. 30m. D. 40m.

Céau 12. Mot 6 t6 dang chay véi tdc d6 36 km/h thi ham pham, chuyén dong cham dan
déu voi phuong trinh van tdc 0=10-0,5¢ (m/ s). Tinh quang dwong s ma 6td di
chuyén dugc dén khi ding han.

A. 100m. B. 200m. C. 300m. D. 400m .
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Cau 13. Cong truong DPHBK Ha ndi ¢6 hinh dang Parabol, chiéu rong 8m, chiéu cao
12,5m. Tinh dién tich cta cong S.

A. S=100m". B. $=200m". C.Sz%mz. D.Szz—gomz.
Loi giai tham khao
Xem cdng trudng 1a mot Parabol ¢6 dang 1a duwong cong: x = ay®.
. 2j s _ 200 .

==—m
fi -
CAu 14. Dién tich hinh phéang giéi han boi ham s6 y =x’vx> +1, truc Ox va duong

a\/g—ln(1+\/3)

thang x =1 bang

voi a,b,c 1a cac s6 nguyén duong. Tinh gid tri ctia

c
P=a+b+c.
A. P=11. B. P=12. C. P=13. D.pr-=-14.
Loi giai tham khao
Ta co

1 1
S :sz x’ +1dx:.[(x3 +x)d(\/x2 +1)
0 0
1 1
— [Vx? +1(3x* + 1)dx =242 - 35— [Vx? +1dx.
0 0

1
X +1

1
Ti€p tuc st dung cong thirc tich phan ting phan d€ tinh T = '[ Vx? +1dx duoc

a=3,b=2,c=8=P=3+2+8=13.

Céu 15. Cho ham s§ f(*) c6 &6 thi nhw hinh dudi:

Trong cac tich phan sau, tich phan nao c6 gid tri 1on nhat?

A. j\ ()| dx . B. i F(x)dx]. C. i\ ()| dax . D. [|f(x)]dx.

Loi giai tham khao

Str dung t/c < ﬁ f(x)|dx ,(a<D)

[ flydx
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Cau 16. Tinh dién tich S hinh elip gidi han b(’yi(E) :xz + yT =1
A.S:%”. B.S=4r. C.Sz%. D.S=2x.

Loi giai tham khao

Ta cé rat y theo x ta dude y =i%\/4—x2 :

2
Do (E) 6 tinh ddi xing qua cac truc Ox va Oy nén: S= 4!%\/4 —x*dx =2x.
0

Cau 17. Mot luc 40N can thiét d€ keo can mét chiéc lo xo co d6 dai tw nhién 10 cm
dén 15 cm. Tinh cong W sinh ra khi ke lo xo tw' do dai 15 cmdén 18 cm .
A.1.56]. B. 1.57]. C. 1.58]. D. 1.59].
Loi giai tham khao
Theo dinh luat Hooke, khi chiéc lo xo bi keo cang thém x (m) so voi d6 dai tw nhién

thi chi€c 10 xo tri lai mot luc f (x) = kx . Khi keo cang lo xo tuw' 10 cm dén 15 cm thino
bi keo cang thém 5 cm =0.05 m. Bang cach nay ta duoc f (0.05) =40, boi vay

0.05k =40 < k =800.
Do do' f (x) =800x va cong dwoc sinh ra khi keo cang lo xo tu' 15 cm dén 18 cm la:

0.08 52 0-08
W= j 800xdx =800.—|  =1.56].

0.05 0.05

Cau 18. Tai mot thanh phd nhiét do (theo °F ) sau t gio, tinh tir 8 gid dén 20 gio dugc
cho bdi cong thic f (t) =50+14 sin%. Tinh nhiét d6 trung binh T trong khoang thoi

gian trén.
A. T=50-". B. T=50_1% c.T=50+2  D.T=50+%.
14 T T 14

Loi giai tham khao

20
Nhiét 460 TB dwoc tinh theo cong thitc sau: 201 3 J. (50 +14.sin f—;j dt =50 — 14 .

3 T

Cau 19. Vi khuan HP (Helicobacter pylori) gay dau da day tai ngay tha ¢ la véi sO
luong 1a F(t), biét néu phat hién sém khi s6 luong khong vuot qua 4000 con thi bénh

nhan sé dwgc cttu chira. Biét F'(t) = e
2t+1

va ban dau bénh nhan c6 2000 con vi khuan.

Sau 15 ngay bénh nhan phat hién ra bi bénh. Hoéi khi d6 c6 bao nhiéu con vi khuan
trong da day (lay xdp xi hang thap phan th& hai) va bénh nhan c6 cttu chita duwoc

khong?
A. 5433,99 va khong cttu duoc. B. 1499,45 va cttu duoc.
C. 283,01 va cttu duoc. D. 3716,99 va ctru duoc.
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Loi giai tham khao
S6 con HP tai ngay thwt ¢ 1a F(t) = 5001n(2¢ + 1) + 2000. Khi d6 F(15) = 3717 < 4000.

2000
1+x
va ltc dau s6 luong vi khuan la 5000 con. Vay ngay tht 12 s0 lwong vi khuan la bao

Cau 20. Mot dam vi khudn tai ngay thit x ¢ s6 luong la N ( ) Biét rang N' ( )

nhiéu con?
A. 10130. B. 5130. C. 5154. D. 10129.

Loi giai tham khao
Thuee chat day la moét bai toan tim nguyén ham. Cho N' (x) vaditim N (x)

Ta cé: I iOOO
+x

V6i x =12 thi sd luwong vi khuan la ~ 10130 con.

dx =2000.1In

+5000 (Do ban dau khoi lwgng vi khuan la 5000).

Cau 21. T6c do sinh san trung binh sau thoi gian  ndm cua loai hwou Krata dwge mé ta
bang ham s8 o(t)=2.10"¢"t. S8 luong huou L(t) con duoc tinh qua cong thic:

dL(t . .
# = v(t) . Héi rang, sau 20 ndm so6 lwong toi thi€u sé la bao nhiéu biét rang ban dau
c6 17 con hwou Krata?
A. 2017 . B. 1000. C. 2014. D. 1002.
Loi giai tham khao
dL . 3 ¢ N 3 -t
—=o(t)=210""t = L(x)-L(0)= |, 210%¢ ¢t

= L(x)=L(0)-2.10° ((te‘t): - e-*dt)
= L(x)=L(0)-2.10° (xe‘x —(—e‘t):)

= L(x)=L(0)-2.10° (xe ™ +e ™ -1)
x=20;L(0)=17 = L(20) =2017

Cau 22. Nguoi ta bom nudc vao mot bon chira, Iic dau bon khong chira nuede, mike
nudc 0 bon chita sau khi bom phu thudc vao thoi gian bom nuwéc theo mot ham s6
h= h(t) trong d6 h tinh bang cm, t tinh bang gidy. Biét rang h'(t) =:/2t+1. Tinh mtc

nudc & bon sau khi bom dwgc 13 giay.

A. % cm . B. %cm C. 30 cm. D. 60 cm .

Loi giai tham khao
t)= j%/zt +1dt =§(2t+1)\3/2t +1+C
Ltc dau (t =0) bé khong cé nude (h(O) =0)
:>C=—§ ():-(2t+1)\/2t+ =

= 1(13) =30.
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Cau 23. Goi h(t) (cm) 1a mitc nude ¢ bon chira sau khi bom nude duge ¢ gidy. Biét rang
1 ]- 3 \ 7 A A A 4 4 7 7 ? A .
h (t) = g\/t +8 va lac dau bon khong c6 nuwdc. Tinh myrc nudc ctia bon sau khi bom

nudc duoc 6 gidy (lam tron két qua dén hang tram).
A. h=2,66. B. h=5,34. C. h=3,42. D. h=7,12.

Loi giai tham khao
Gia thiét suy ra: h(t)= j%%/t +8dt = 2%(t + 8)§ _%. Nén h(6) ~2,66.
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8D. BAI TOAN VAN DUNG N
VE KHOI NON — KHOI TRU - KHOI CAU

Cau 01. Nguoi ta dat duwgce vao mét hinh nén hai khoi cdu ¢ ban kinh Tan luot 1a a va
2a sao cho cac khdi cau déu tiép xic véi mat xung quanh cua hinh nén, hai khéi cau
ti€p xtc voi nhau va khoi cau 16n tiép xtc véi day ctia hinh nén. Tinh ban kinh day r
ctia hinh nén da cho.

A.r:S—;. B.r:x/za. C.r=2\/5a. D.r:%.

Loi giai tham khao
Gia stt thiét dién qua truc ctia hinh nén la AABC 4
voi A la dinh nén, BC la dwong kinh day non. H
la tam day O,,0,lan luot la tdm ctia mat cau 16n va
nho, D,, D, Ian luot la ti€p di€ém caa AC voi (01) D2
02

va (Oz) .Can tinh r = HC .
Vi O,D,//O,D, va O,D, =20,D, nén O, la trung
diém AO, = AO, =20,0, =2.3a = 6a DI
0,D, =2a, AH = AO, +O,H = 8a

0l
AD, = JAO? +O,D? = 4a\2
D, AD B
AAO,D, @ AACH = 2P APy ey a H ¢
CH _AH

Cau 02. Mot vat N, c6 dang hinh nén c6 chiéu cao béng 40cm . Nguoi ta cat vat N,

bang mot mat cat song song voi mdt day cua n6é d€ dwgc mot hinh nén nhd N, c¢6 thé

tich bang % thé tich N, . Tinh chiéu cao h cta hinhnén N, .

A.h=5cm. B. h=10cm. C.h=20cm. D. h=40 cm.
Loi giai tham khao
h Goi V,, V, lan luot la thé tich cia N, va N, va r,, r, lan luot
40 labankinh day cia N, N, ta cé:
1,
l_ V2 572'1’2 .h rZZh
= —= = 5 .

L 8 V, 17”12.40 1”40

3

Mat khac ta co: L I
r, 40
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3
Do do6 ta co: l: i <:>i:1<:>h:20cm.
8 40 40 2

Cau 03. Mot binh dung nuéc dang hinh nén (khong cé ddy), dung day nudc. Biét rang
chiéu cao ctia binh gdp 3 Ian ban kinh day cua né. Nguoi ta tha vao dé6 mot khoi tru va

A L7 7 \ e 1Y 1672- . A, M A v 2 Ale M
do duoc thé tich nwdc tran ra ngoai la T(dm3). Biét rang mot mat caa khoi tru nam

trén mdt day ctia nén (nhu hinh dudi) va khéi tru cé chidu cao bang duong kinh day
cta hinh nén. Tinh dién tich xung quanh S cta binh nudc.

972@

A S, == (dm®). B. S, =4710(dm’).
C. S, =4n(dm’). D.S, = 47”(dm3) .

Loi giai tham khado

- Goi ban kinh day hinh nén la R, chiéu cao h H A
Tacd h=3R

- Chiéu cao cuia khéi tru la b, =2R , ban kinh day la r

- Trong tam gidc OHA c6 H'A'/ /HA

r_HA _OH 1 R
R HA OH 3 3
3
- Thé tich khéi tru 1a V = 2r%h, = 2”9R - 1%” ~R=2 &
- Duong sinh cla hinh non la

I=0A =OH? + HA> =yJ9R? + R* =210
- Dién tich xung quanh S cta binh nuéc

quﬂ'Rl=47Z'\/E.

Xi
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Cau 04. Khi san xuat hop mi tom, cac nha san xudt ludén d€ mot khoang trong ¢ duwdi
day hop dé nuée chay xudng duwedi va ngdm vao vat mi, gitp mi chin. Hinh vé dwdi md
ta cau trac cia mot hop minh tom (hinh vé chi mang tinh chat minh hoa). Vit mi tom ¢
hinh mét khéi try, hop mi tdm c6 dang hinh nén cut dugc cit ra béi hinh nén ¢6 chiéu
cao 9cm va ban kinh ddy 6cm . Nha san xuat dang tim cach dé sao cho vat mi tom c6 thé

tich 16n nhat trong hop véi muc dich thu hit khach hang. Tim the€ tich 16n nhat d6?

A.V =36r. B. V=>54r. C. V =48r. D.V=—x.

Loi giai tham khao
Pay thuc chat 1a bai toan khoi tru ndi ti€p khoi non, ta co ki
hiéu cac kich thwdc nhu sau:

R,
]
'I.l' pY ]

Ta c6 thé tich vat mi tdm duoc tinh bang V = Bh = 71’ h

Day la tng dung cua bai toan tim GTLN, GTNN trén mot
khoang (doan) xac dinh:

Ta sé dua thé tich vé ham s0 mot bién theo h hoac r. Truwdc
----- tién ta can di tim ma&i lién hé gitta & va r. Nhin vao hinh vé ta

F======n

thdy cac mdi quan hé vudng gdc va song song, dung dinh 1i
6-r 18 - 3r
—&Sh= 5

Thales ta sé co: g =

_ 3
r2.1823r:_37;r +97r* véi 0<r<6

Khidé V=f(r)=x
r=0
r=4

Khi d6 ta khong can phai vé BBT ta cling c6 thé suy ra dwgc véi r=4 thi V dat
GTLN, khi d6 V =487.

j"’(;’):—gﬂr2 +187r =0 @{

Cau 05. Hoan cé mot tdm bia hinh tron nhu hinh vé, Hoan mudn bién hinh tron dé
thanh mot hinh cai phéu hinh nén. Khi d6 Hoan phai ct bé hinh quat tron AOB roi
dén hai ban kinh OA va OB lai véi nhau (dién tich chd dan nho khong dang ké). Goi x
1a gbc & tam hinh quat tron dung 1am phéu. Tim x dé thé tich phéu 16n nhat.

2\/5 T V4
S

A. x B. x=—. C.x=—. D. x=—.
3 2

N

Loi giai tham khado
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v=larn= 1 R -2)= R3\/x27z2 (87% —22?)
247 24\/E7r2

D&V 16n nhat thi x2 =872 —2x2 < x = Nf” )

Cau 06. Cho hinh nén tron xoay co6 dinh S va day la duong tron C(O;R) voi
R=a (a > 0), SO=2a, O'eSO thoéa man OO =x (O <x< 211), mat phang (a) vuong
g6c véi SO tai O’ cat hinh nén tron xoay theo giao tuyén la duong tron (C ') .Tim x d€

thé tich kh&i nén dinh O déy la duong tron (C’) dat gié tri 16n nhat.

A x=2, B. x=a. C.x=2. D.x:E.
2 3 3
Loi giai tham khao
. , ., R' 2a-x , R
Theo Dinh ly Ta-1ét — = . Suyra R'= —(2a - x).
R 2a 2a

Khi d6 thé tich kh&i non dinh O day 1a dudng tron (C') 1a
2

1 [R R
\% :gm{z(Za—x)} = fZaz x(2a—x)2.

. _ N A ) . s 1x ML v 28
Xét f(x)—x(Za x) trén (0;24a) ta cé f(x) dat gia tri 16n nhat khi x 3

Cau 07. Gia trj I6n nhat V__ cuaa thé tich khoi nén noi tiép trong khéi cau c6 ban kinh
R.

AV :—1 TR, B. V _4 7R’
max 3 max 3

C.V :—4 2 TR, D. V :—32 7R’.
max 9 max 8]_

Loi giai tham khao
Goi ban kinh day cua khdinénla a thi 0<a<R. Taco

3
VS%WZ(R%/RA&):”? t2(1+\/1—t2) véi t:%e(o;l].

Xét ham s8 f(t) =t (1 +1-# ) trén (0; 1:| sé thu duoc két qua.
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Cau 08. Mot dia tron bang thép trang cé ban kinh bang R. Nguoi ta phai cat dia theo
mot hinh quat, sau d6 gap lai thanh hinh nén d€ lam mét cai phéu. Cung tron a cta
hinh quat bi cat di phai bang bao nhiéu do d€ thé tich cai phéu 16n nhat?
A. a=66°. B. o ~294°. C. a~12,56°. D. a~2,8".
Loi giai tham khao
Goi x 1a do dai duong tron ddy ctia cai phéu (bang chu vi dia tron trir di d6 dai cung

hinh quat bi cat di) = x=27zr = r = 21 (r la ban kinh duong tron day hinh non).
7

Puong sinh ctia hinh non chinh b?mg ban kinh diala R.
2 2

Duong cao hinh nén: h=+R* -r? = - :V——ﬁr h=2 R? x2
dr 3 4r’ 4dr

Khao sat ham V ta tim duwgc V' dat GTLN khi x = — R\/—

22R - 2" RJ6

Suy ra, 46 dai cung hinh quat bj cat la: 2zR —%TR\/E = o= 3 360 = 66°.

27zR

Cau 09. Can phai thiét ké cac thung dang hinh tru c6 nép day dé€ dung nudc sac c6 dung
tich V(cm® ). Hoi ban kinh R ctia ddy tru nhan gid tri nao sau dy dé tiét kiém vét liéu

nhat?

A R=JL. B.R:#Z Ry bRy L.
4 T 2w 2w

Loi giai tham khao
Bai toan yéu cau xac dinh gia tri ctia ban kinh day la R, sao cho S, nho nhat.

Goi h la chiéu cao ctia hinh try, ta cd: V = 7R?h.

2
Stp =25,+S =27R? +ﬁRh:2ﬁ(l+R2]=2ﬁ(L+L+R2]Z67r3 4
* 27 R

7R
L “"_ry 2 4 V
Dau “=” xayrataco R=3—.
27

Céau 10. Khi san xuat vo lon sita bo hinh try, cac nha thiét ké luon dat muc tiéu sao cho
chi phi nguyén liéu lam vé lon la it nhat, tic la dién tich toan phan caa hinh tru la nho
nhat. Héi mudn thé tich khéi tru d6 bang 2 va dién tich toan phan phan hinh tru nho

nhat thi ban kinh R cuia day gan s6 nao nhat?
A. R=0,5. B. R=0,6. C.R=0,8. D. R=0,7.
Loi giai tham khado
Bai toan yéu cau xac dinh gia tri ctia ban kinh day la R, sao cho S, nho nhat.

Goi h la chiéu cao ctia hinh try, ta co: 2 = 7Rh.

2

S, =25,+S, =27k +ﬁRh=2ﬂ(£+R2j=2 (L+L+R2j>67z3

7R 27zR  2nR 47
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Ddu “=" xay rataco R =

_ 1
o

Cau 11. Mot nha san xuat can thiét ké mot thung son dang hinh tru c6 nap day véi dung
tich 10000 cm’. Biét rdng ban kinh ctia nap day sao cho nha san xuat tiét kiém nguyén

vat liéu nhat c6 gia trila « . Hoi gia tri & gan véi gia tri nao nhat dudi day?

A. a=11.677. B. a~11.674.

C.a=11.676. D. a~11.675.

Loi giai tham khao

Ta co:

Dé tiét kiém nguyén liéu nhat thi dién tich toan phan cua

hinh tru phai la bé nhat

Dién tich toan phan ctia hinh tru la:
Sp =5, +25,

=27RI+27R?

=27.al+2rwa’

Thé tich ctia hinh tru 1a 10000 cm’ nén ta co:

AT
|

~_

(7.R?*).1=10000 < I = 10060
7.R
=S5, =274 10000 +2ra’ = 20000 +27.a°
za a
Ta can tim gid tri nho nhat cia ham s y = 20000 > a2
. —20000
y'= +4ra
a
5000 ,/2000

y'=0< 20000 +47a’ =0 < a’ =

Cau 12. Trong ngay trung thu, b6 ban Nam
dem vé cho ban Nam mot chi€c banh trung
thu. Nam rat vui vé vi diéu d6, tuy nhién dé
kich thich tinh than toan hoc ctia ban Nam,

bd ban Nam duwa ra mot bai toan nhu sau: Gia st chi€c banh c6 hinh tru diéng, day la
hinh tron dwong kinh 12 cm, chiéu cao 2 cm . Ban Nam phai cat chiéc banh thanh 3 phan
bang nhau, cach cat phai tuan thu quy tac. Nam chi dwoc cat dting hai nhat, mat phang
2 nhat dao phai vudng gbc véi day va song song v6i nhau. Nhw vay, theo cach cat thi sé
c6 hai miéng giong nhau va mot viéc khac hinh tht, 3 miéng c6 cung chung the€ tich.
Hoi khoang cach giita 2 mat phang nhat cat gan nhat véi gia tri bao nhiéu ?

A. 3,5cm. B. 3cm.

C.3,2cm. D. 3,44 cm .

Loi giai tham khao
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Thuc chat bai toan la chai hinh tron thanh 3 phan béng nhau nhw hinh vé:
Vi cac miéng banh c¢6 cling chiéu cao nén dién tich ddy ctia cdc miéng banh phai bang

nhau va bang % dién tich chiéc banh ban dau.

2
Trong hinh vé thitac6 OA=0B=6 va S, =S, =5, = ”'gA =127

Dit AOB=a €(0,7) thi ta c6:
S, +Syou =5

AOAB OAB

OA*.x
.o
27

<127+ %OA.OB. sina =

< 127+ 18sina =18a

St dung chttc nang| SHIFT || SOLVE [ trén may tinh ta tim dwoc gia tri
a ~2,605325675

Khoang cach 2 nhat dao la x = OA.COS%Z ~ 3,179185015

Cau 13. Mot hinh tru tron xoay ban kinh R =1. Trén 2 duong tron day (O) va (O’) lay
A va B sao cho AB=2va géc giita AB va truc OO’ bang 300.
Xét hai khang dinh:

V3

(I ): Khoang cach giita O’O va AB bang

2
(II): Thé tich cta khéi trula V=+3z
Ménh dé nao sau day la diing?
A. Chi (I) dung. B. Chi (II) dung.
C.Ca (I) va (H) déu sai. D.Ca (I) va (H) déu dung.

Loi giai tham khao

R Ké dudng sinh BC thi OO’ // (ABC). Vi (ABC) vudng gbc voi
| "Bl (OAC)nénké OH L AC thi OH 1 (ABC).Vay d(O0', AB) = OH
AABC: BC = AB.cos30° =+/3; AC = AB.sin30° =1,

/I2 \/5

AOAC la tam giac déu, c6 canh bang 1, nén OH = -5 (I) dung.
@C V =7.R*h nén (II) dung.
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Ciu 14. Mot miéng bia hinh ch nhat ¢é cac kinh thudc 24 va 4a. Udn cong tam bia
theo bé rong (hinh vé) dé duoc hinh tru khong day. Ky hiéu V la thé tich cua khdéi tru
tao ra. Ménh dé nao sau day diing?
3 3
cv-2 D.V=2_
T 167

A.V =4ra’. B. V =167a’.

Loi giai tham khao

N
Ak/

44 4a

2a

A

Chu vi ctia ddy bang 2a =27zR. Ta tinh dugc R = 2 Chieu cao Jr =4a, tir d6 ta tinh
7

3
duoc V :4i.
T

Cau 15. Mot nguroi go moét tam nhoém hinh chtr nhat ¢é chiéu dai 4mva chiéu rong
2mthanh mot cai thung hinh tru dat trén nén nha dé dung lia. Néu go tdim nhom theo

chiéu dai (Truc ding la chiéu rong) thi s6 lua dung dwoc nhu thé nao so voi tam nhom

duoc go theo chiéu rong (Truc ding la chiéu dai)?
TN
' f—

4dm 2

A 4

~_

A 4

N

Go theo chiéu rong
A. S8 1ta dung duoc bang nhau.
C. S0 lta dung duoc gap hai lan.

Go theo chiéu dai
B. SO lua dung duoc bé“mg mot nira.
D. S6 lta dung dwoc gap bon lan.

Loi giai tham khao
Goi R la ban kinh duong tron day khi go tdm nhom theo chiéu dai:

T

4 =2R, ta duoc R:E,V1 :(E
T

| m2-2 ()

Goi R 'la ban kinh duong tron day khi go tdm nhom theo chiéu rong: ta cd

T T
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Ciu 16. Bé Thao c6 mot tdm bia cd chiéu dai 20cm, chiéu rong 1cm. Bé mudn gdp mot
cai hop nho xinh dé€ bo kep téc vao hop do ting qua cho me ngay 20 thang 10. Anh
Phwong da chi cho bé hai cach gap hop.
Cach thit nhat: 1a bé cudn tam bia thanh mot cai hop hinh tru khong c6 2 déy
co6 thé tich V.
Céch thtt hai: 1a bé gap tdm bia moét hinh hop chit nhat c6 thé tich V, ¢6 cac
kich thuedc nhu hinh vé. Hay tim ti s0 thé tich cua 2 hop dé biét duoc gap theo

cach nao sé co thé tich 1én hon.
i a i i L
-+--L_

1% 1% 1%
A2 B. —L=4r. C.L-—. D. -4
V, =« v, v,

Loi giai tham khao
Chiéu dai cua tdm bia la 20 cm  tic la chu vi ddy hop hinh tru va dap hop hinh hop
la 20 cm.
Do 2 khéi c6 cung chiéu cao nén ti sO th€ tich sé tinh theo ti s6 dién tich ddy cua hai
hinh.
Pé€ tinh dugc dién tich hinh tron day cua khoi hop hinh try, ta phai di tim ban kinh

déy. Theo gia thiét chu vi cho 1a 20 =27.R < R = -2 Khi d6 S, = 7R? = 7,200 - 100,
T T T
Dién tich ddy cta hinh hop S, =5.5=25.
Khi @6 12Eﬂ,‘ 25=é.
V. V4 b3

2

Ciu 17. Nguoi ta xép 7 vién bi c6 cung ban kinh r vao mét cai lo hinh tru sao cho tat ca
cac vién bi déu tiép xdc véi ddy, vién bi ndm chinh gitta ti€p xtc véi 6 vién bi xung
quanh va moi vién bi xung quanh déu tiép xtc véi cac duong sinh ctia lo hinh try. Tinh
dién tich day cta cai lo hinh tru.

A. 167r°. B. 187r°. C. 9rr’. D. 3671

Loi giai tham khao
Theo gia thiét ta c6 ban kinh cua duong tron day R = 3r
— Dién tich day hinh tru: S = zR* =977°.

Cau 18. Tt 37,26cm’ thuy tinh. Nguoi ta 1am mot chiéc cdc hinh tru cé duong kinh
8cm voi day cde day 1,5cm, thanh xung quanh c6c day 0,2 cm. Tinh chiéu cao cta

chiéc coc.
A. 10¢cm. B. 8cm. C. 15¢cm. D. 12 cm.

Loi giai tham khao
Thé tich déy 1aV=rx161,5=24rcm’
Phan thuy tinh lam thanh cdc la: 37,267z cm® — 247z cm® =13,267 cm’
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Vay chiéu cao cta cocla: 8,5+1,5=10cm.

Cau 19. Nguoi ta can dd6 mot dng bi thoat nude hinh tru véi chiéu cao 200cm va do day
cua thanh bi la 10 cm va dueong kinh ctia bi la 60 cm . Tinh luwong bé tong can phai d6 cta
bi d¢ la.

A. 0,1z m’. B. 0,187 m’. C. 0,14z m’. D.V=rm.

Loi giai tham khao
Luong bé tong can dd la: 7h(R* —r*) = £.200.(30° - 207 ) = £.100000cm’ = 0, 1 m’ .

Cau 20. Mot doi xay dung can hoan thién mot hé thong cft tron ciia mot ctra hang kinh
doanh gdm 17 chiéc. Triede khi hoan thién mdi chiéc cot 1a mot khdi bé tong c6t thép
hinh ldng tw luc gidc déu c6 canh 14 cm; sau khi hoan thién (bfmg cach trat thém vira
tong hop vao xung quanh) mdi cot 1a mot khdi tru c6 duwong kinh ddy bang 30 cm. Biét
chiéu cao ctia mdi cdt trude va sau khi hoan thién 1a 390 cm. Tinh lwong vira hon hop
can dung (tinh theo don vi m?, 1am tron dén 1 chit sd thap phéan sau dau phay).
A.1,3m’. B. 2,0 m’. C.1,2m’. D. 1,9 m’.

Loi giai tham khao
Véi cot bé tong hinh lang tru: Day ctia mdi cdt 1a hinh luc gidc déu c6 dién tich bang 6
2
1493 (cm3 )
4
Vi cot bé tong da trai vira hinh tru: Day cua modi cot 1a hinh tron ban kinh 15 cm nén
c6 dién tich la 15"z (cm’ )

tam giac déu canh 14 cm, moi tam giac c6 dién tich la

SO luwong vira can trat thém vao tatca 17 cot, mdi cdt cao 290 cm la:

14243
4

17.390(15% —6.

] =1,31.10°cm> =1, 31w’

Cau 21. Khi thiét ké vo lon sira bo hinh tru cac nha thiét ké luén dat muc tiéu sao cho chi
phi 1am v4 lon 1a nho nhat. Mudn thé tich khéi tru d6 bang V ma dién tich toan phan
ctia hinh tru nhé nhat thi ban kinh R ctia duong tron day khéi tru bang bao nhiéu?

V 1% 1% 1%

A. 33— B. 3—. C. ., |—. D. . [—.
27 T 27 T

Loi giai tham khao
v

B
7.R

Tacdé: V=nR*h=h= Stp:ZERh+2ﬂR2=%+2ﬁRz

Xét ham: f(x)= LA
x

Ta co f(x) dat Min khi x = ‘3/21.

T
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Cau 22. Cho hinh ldng tru tam gidc déu c6 chin canh déu bing a. Tinh thé tich V cta
khoi cau ngoai tiép hinh lang tru.
7ra’\21 7ma’\3 7ma’\7 _7ma®\21

1 -

AAV=——"—— B V= . C.V-= . D.V
5 54 54 18

Loi giai tham khao

2 2 s
Tacé R= Il 2| +| & =a\/i.8uyraV=é7zR3=7”a\/i,
2) s 6 3 54

Cau 23. Cho hinh chép S.ABC ¢ SA=a\2, AB=a, AC =a\/3, SA vudng goc véi day
va duong trung tuyén AM cla tam gidc ABC béng #. Goi (S) la mdt cau ngoai ti€p
hinh chép S.ABC. Tinh thé tich V ctia khoi cau tao boi mat cau (S) .

A. V=n6a. B. V = 72V2a’. C.V=r2V3a’. D.V=n26a.

Loi giai tham khao
Tt cOng thikc tinh d6 dai trung tuyén ta suy ra duoc: B=a.

V3,
a.

ABC —

= S

BA.ACBC __

Goi r la ban kinh duong tron ngoai ti€p tam gidc ABC ta cé: r = 15
"~ ABC

Goi R la ban kinh ctia mat cau ngoai ti€p hinh chép SABC ta co:

— Thé tich khdi cau: V = 76.42°.

Céu 24. Goi S, la dién tich toan phan cta hinh hop chi nhat (tong dién tich cdc mat ), S,

la dién tich ctia mat cau ngoai ti€p hinh hop chir nhat d6. Tinh gia tri nhé nhat cua ty s6

c.Z. D. "
2 4

=
N | W

Loi giai tham khao
Hudng dan: Goi cac kich thwdc ctia hinh hop chit nhat la a,b,c. Ban kinh ctia mat cau
Na? +b* + ¢

ngoai tiép hinh hop chit nhatla R = 5

9]

2>
51

1

S, = 2(ab+bc+ca), Szz(a2+b2+cz).Tacé %

VI MR
Vay gia tri nhé nhat cia —* bang %
1
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8E. BAI TOAN VAN DUNG
VE TOA PO KHONG GIAN Oxyz

= Dang 132. Bai toan van dung viét phuong trinh
mat phang

Cau 01. Trong khong gian véi hé toa do Oxyz, cho hinh lap phwong ABCD.A’B'C’'D’,
biét A(O; 0;0), B(l; 0;0),D(O; 1;0) va A’(O; 0;1). Phwong trinh nao dudi day la phuong
trinh mat phang (P) chtta duwong thang CD’ va tao véi mat phang (B B’D’D) mot goc

16n nhat?
A . x-y+z=0. B.x-y+z-2=0.
C.x+2y+z-3=0. D. x+3y+z-4=0.
Loi giai tham khao
- Tacd: B(1,0;0),B(1;,0;1), C(1,1;,0), D’(0;1;1).
Do do (BB’D’D) c6 phuong trinh: x+y—-1=0
h o (P) tao voi (BB’D’D) mot goc 16n nhat
40 = (P) vuong goc voi (BB’D’D).
I

Vay (P) chita CD’ va vudng gbc voi (BB’D’D)
nén phuong trinh (P) la: x-y+z=0.

= V‘a
2

diéem M (2; 5;3) Phuong trinh nao dwdi day la phwong trinh mét phang (P) chita A

Cau 02. Trong khong gian véi hé toa d6 Oxyz, cho duong thang A: T = % =
sao cho khoang cach tit M dén mp( ) 16n nhat?

A x-4y-z+1=0. B. x+4y+2z-3=0.
C.x-4y+z-3=0. D. x+4y-z+1=0.

Loi giai tham khao
Ta c6 khoang cach tir M dén mat phang bat ky chtta A khong vurot qua khoang céch
tir M dén duong thang A va khoang cch d6 sé dat gia tri 16n nhat khi mat phang
nay chita A vanhan MH 1am vecto phép tuyén trong d6 H la hinh chiéu cia M 1én
A.
Tacé H(3;1;4) va MH(1;-4;1).
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Cau 03. Trong khong gian vdi hé toa do0 Oxyz, cho hai diém A(l; 2; —1), B(O; 4;0) va
mat phang (P) :2x -y —2z+2017 = 0. Phuong trinh nao dudi day la phuwong trinh mat
phang (Q) di qua hai dim A, B va tao v6i mit phing (P) mot goc nho nhat?
A. (Q):x+y—z+4:0. B.(Q):x+y—z—4:0.
C.(Q):2x+y-3z-4=0. D.(Q):2x-y-z-4=0.
Loi giai tham khado
Nhan xét: 0° <((P),(Q)) <90°, nén géc ((P),(Q)) nho nhat khicos((P),(Q)) 16n nhat.
(Q):ax+b(y—4)+cz=0;Ae(Q)=>a=2b+c
‘2a—b—26‘ _ ‘b‘
i+ 4 bR
Néu b=0=> cos((P),(Q)) =0=((P),(Q)) =90°

Néu b0 = cos((P),(Q)) = L = ! <L

ROl e

D&u bang xay ra khi b = —; a =— ¢, nén phuong trinh mp(Q) la: x+y—-z-4=0.

Ta c6 cos((P),(Q)) =

Cau 04. Trong khong gian véi hé toa d6 Oxyz, cho duong thang A :xT—l = % =z +11

mat phang (P) :2x -y +2z-1=0. Phuong trinh nao dudi day la phuong trinh mat

phing (Q) chita A va tao véi (P) mét goc nho nhét?
A 2x-y+2z-1=0. B. 10x-7y+13z+3=0.
C.2x+y-z=0. D. x+6y+4z+5=0.

Loi giai tham khao
Goi A la giao diém cua d va (P),m la giao tuyén cua (P) va (Q). Lay diém I trén d.
Goi H 1a hinh chiéu cua I trén (P) , dung HE vudng gdéc voi m, suy ra ¢ = IEH Ia goc
gitta (P) va (Q)

Khi d¢6 duong thang m vudng goc véi d, chon ;; = [@, ﬁ;}
n, = [u > um} .

Cau 05. Trong khong gian véi hé toa d0 Oxyz, cho mat cau

x-6 y-2 z-
-3 2 2
trinh nao dudi day 1a phuong trinh mit phang (P) di qua M (4; 3;4), song song voi

(S):(x—1)° +(y—2) +(z-3)° =9 va duodng thing A: 2. Phuong

duong thang A va tiép xtic véi mat cau (S)?
A 2x+y+2z-19=0. B. x-2y+2z-1=0.
C. 2x+2y+2z-18=0. D. 2x+y-2z-10=0.
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Loi giai tham khao
Goi n=(a;b; c) la vecto phap tuyén cua (P)
Tacéd -3a+2b+2c=0
Diéu kién ti€p xtic ta c6 [3a+b+c|=3Va* +b* + ¢
Teddésuyra 2b=c, b=2c
Suy ra hai mit phang & A va C.
Cloai vi chtra A.
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w Dang 133. Bai toan van dung tong hop vé toa
do khong gian Oxy:z

Ciu 06. Trong khong gian véi hé toa dd Oxyz, cho bdon diém A(l; 2;0), B(Z; 1;1),
C(3; 1;0) va D(S; —1,'2). Hoi c6 bao nhiéu mat phéng di qua hai diém A va B va cach
déu C va D.
A 1. B.2. C. 4. D. V6 s8 mit phang.
Loi giai tham khao
Kiém tra ta duoc AB song song véi CD nén c6 vd s6 mit phang mat phang di qua
hai difm A va B va cach déu C va D.

Céu 07. Trong khong gian véi hé toa do Oxyz, Cho cac diém A(l;O;O), B (0; 1;0),
C(0;0;1), D(0;0;0). Hoi ¢6 bao nhiéu di€ém céch déu 4 mit phang (ABC),(BCD),
(CDA),(DA )?

A. 8. B.5. C. 1. D. 4.
Loi giai tham khao
. a4 s ey +z-1] e
Goi I(x; y;z) cach déu 4 mat ta co ‘x‘ +‘y‘ +‘z‘ = T, phuong trinh c6 8 nghiém.

Cau 08. Trong khong gian véi hé toa d0 Oxyz, cho bon di€ém A(l; —2;0), B(O; —1;1),
C(Z; 1; —1) va D(3; 1;4). Hoi cé tat ca bao nhiéu mat phéng chia ti* dién ABCD thanh
2 phan c6 thé tich bang nhau ?
A. 4 mjt phang. B. 6 mit phang.
C. 8 mit phang. D. C6 v6 s8 mat phang.
Loi giai tham khao

MN AN AP _
AB AC'CB 2
mp(MNP) chia khéi tt dién ABCD thanh hai phan c6 thé tich bang nhau 6 v6 6

Trén cac canh AB, AC, AD ldy lan lwot M, N, P sao cho th

mdt phang thoa man yéu cau.

Cau 09. Trong khong gian v6i hé toa dd Oxyz, cho bon diém A(l; —2;0),B(0; —1;1),
C (2; 1; —1) va D(3; 1; 4). Hoi ¢6 tat ca bao nhiéu mat phfmg cach déu bén diém d6 ?
A. 1 mjt phang. B. 4 mit phang.
C. 7 mt phang. D. C6 v6 s8 mat phang.
Loi giai tham khado
Ta cé: AB=(-1;1;1); AC =(1;3;-1); AD =(2;3;4).

Khi dé: [ZE, Xé} AD=-24%0 do vay A,B,C,D khong dong phéng

Do d6 ¢6 7 mat phang cach déu 4 diém da cho bao gom.

+) Mt phang qua trung diém ctia AD va song song véi mit phang (ABC)

+) Mit phing qua trung diém ctia AB va song song v6i mit phang (ACD)

+) Mit phing di qua trung diém ciia AC va song song véi mt phang (ABD)
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+) Mit phing di qua trung diém ctia AB va song song v6i mit phang (BCD)

+) Mit phing qua trung diém ctia AB va CD dong thoi song song véi BC va AD
+) Mt phang qua trung diém cia AD va BC ddng thoi song song véi AB va CD
+) Mit phing qua trung diém ctia AC va BD dong thoi song song véi BC va AD

Cau 10. Trong khong gian véi hé toa dd Oxyz, cho diém M (1,' 2;3) va mat phéng (P)

qua M cit Ox, Oy, Oz tai A(a;O;O), B(O;b;O), B(O;O;c) (voi a,b,c>0). Vi gid tri

nao cua a,b,c thi thé tich khoi t¢ dién OABC (O la goc toa do) nho nhat?
A.a=9,b=6,c=3. B.a=6,b=3, c=9.
C.a=3,b=6,c=09. D.a=6,b=9, c=3.

Loi giai tham khao

Phuong trinh mat phéng la (P) X +%+E =1.
a c

Vi do mat (P) di qua M(1;2;3) nén ta co: %+%+%:1 (1)

Nén thé tich khi ti di¢n OABC 1a: V = —abe (2)

Ta co: 1:1+E+22313/ 6 <:>a'—b'C227.Véy thé tich Ilon nhatla: V =27.
a b ¢ a.b.c 6

Vay a=3; b=6; c=9. Phuong trinh la: (P):§+%+§:1<:>6x+3y+22—1820.

Cau 11. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P) :3x-3y+4z+16=0,

1 y+3 z-5
2 —
thdng d, B 1a hinh chiéu cia A trén mat phing (P). Tim toa do diém A biét tam gidc
MAB can tai M.
A. A(3;13). B. A(1;-3;5). C. A(2;-1;4). D. A(0;-5;6).

duong théng d: x; va diém M (2 ;3 ;1). Goi A la diém thudc duong

Loi giai tham khao
Goi H la trung diém AB va A’ la diém d6i xting ctia A qua M.
MH//A'B
MH 1 AB

Vi M latrung diém AA’ nén A'(-t+3;-2t+9;t-3).Ma A’e(P) =t=2= A(3;1;3).

Khidc’):{ = A'BLAB= A'e(P).

Cau 12. Trong khong gian véi hé toa do Oxyz, cho mat cau
(S):(x—l)2 +(y+1)2 +(z—1)2 =1 va mat phang (P):x+y+z+5=0. biém M thudc
mit phang (P) sao cho qua M ké ti€p ti€p tuyén dén mit cau (S) ti€p xtic v6i mit cau
(S) tai N thoaman MN nho nhat. Ménh dé nao dudi day 1a ding?

A. M(-1;-3;-1).

B. M(1;3;1).

C. Khong ton tai diém M.

D.Dbiém M thudc mot duong tron c6 tam (—1; -2; —3) , ban kinh béng 1 thudc (P) .
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Loi giai tham khao
Tam ctia (S) 1a I(1;-1;1) vaban kinh cua (S) la R=1.
Ta cé: MN? = IM* - R* > [H* - R*
Trong d6 H 1a hinh chiéu cta I trén (P)
Vay: MN nho nhat < M 1a hinh chiéu cua I trén (P) Vay M (—1; -3;

._1)
x-4_y-5_ z

2 3
mét phang (a) chtta dueong thang d sao cho khoang cach tit O dén (a) dat gia tri l6n

Cau 13. Trong khong gian véi hé toa d6 Oxyz, cho duong thang d:

nhat. Tim toa d6 giao diém M cua (a) va truc Ox.

A. M(3;0;0). B. M(6;0;0). C. M(%;O;Oj. D. M(9;0;0).

Loi giai tham khao
Goi (oc) la mit phing thoa man yéu cau bai toan: (a)
Toa d6 hinh chiéu ctia O trén duwong théng la M. Tacotoaddo M la: M (3; 3; —3)
Goi H la hinh chiéu cia M trén mat phéng can lap ta co: d(O,(a)) =0OH <OM.
Vay khoang cac 16n nhat bang OM = (a) x+y-2z-9=0
Vay toa do giao diém cua (oc) voi Ox la N(9; 0;0).

Ciu 14. Trong khong gian v6i hé toa dd Oxyz, cho mat cau (S) va mit phang (P)
khong c6 diém chung. C6 bao nhiéu diém thudc mat phang (P) sao cho qua diém dé
ké tiép tiép tuyén dén mat cau (S) thoa man khoang cach tir diém do6 dén tiép diém dat
gia tri nho nhat?

A. 1 diém. B. 2 diém.

C. khong c6 di€m nao. D. c6 v0 sO diém.

Loi giai tham khao
Goi diém M thudc mit phang (P). ké ti€p tuyén MA (A 1a tiép diém).
MA? = MI? + R? (v6i I 1a tam 6 dinh, R khong d6i) MA nho nhét khi MI nhé nhat,
khi M 1a hinh chiéu cta I trén (P ) ( cht y mat cau (S) va mit phang (P ) khong c6

diém chung)

Cau 15. Trong khong gian véi hé toa &6 Oxyz, cho mit phang (P) :x—-2y+2z-5=0 va
hai diém A(—3; O;1),B(1; —1;3). Phuong trinh nao dudi day la phuwong trinh di qua A
va song song véi (P), dong thoi khoang cach tir B dén dudng thang d6 1a nho nhat?

A.x+1:l:z—2. B.x—lzy_-l-élzi.
31 12 —4 3 12 11
x _y+3_z-1 Dx+3_l_z—1
21 11 -4 2% 11 -2

Loi giai tham khao
Duong thang d can viét nam trong mat phang (Q) qua A vasong song voi (P ) .
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Pt (Q) la: x—2y +2z+1=0.D&khoang cach tir B dén d lanho nhat thi d phai di
qua A va diém H la hinh chiéu vudng goéc ctia B trén (Q)
111 7

Taco H (—5, 5 5} . Phuong trinh d 1a phuong trinh duong thang qua AH .

Cau 16. Trong khong gian v6i hé toa dd0 Oxyz, cho hai diem A (1; 2; 2) ; B (5; 4; 4) va mat
phang (P):2x+y-z+6=0. Goi M la diém thay d6i thudc (P), tinh gia tri nhd nhat
ctia MA* + MB*.

A. 60. B. 50. c. 2 D. 2265,
3 25
Loi giai tham khao
4 2 2 2 ABZ 2 ABZ 7. \ . A »
Ta co MA® + MB” =2MI" + 5 >2d (I;(P))+ =60 vdi I la trung diém cua AB.

Ciu 17. Trong khong gian véi hé toa do Oxyz, cho bdn diém A(l; 2;1), B(2; 1;1),
C(1;1;2). Tap hop tat ca cac di€ém M trén mit phang (a) :3x+6y—6z—1=0 sao cho

MA.MB + .MB.MC +.MC.MA =0 la hinh nao trong cac hinh sau?
A. mot duong tron. B. m{t mat cau. C. mot diém. D. mot mat phéng.

Loi giai tham khao
Goi G la trong tam tam giac ABC ta co

MA.MB + .MB.MC +.MC.MA = 0 < 3MG? + GA.GB + GB.GC + GC.GA = 0 = MG :%

Vi d(G,(a)) :% nén M la hinh chiéu ctia G trén ():3x+6y—6z—-1=0.

Cau 18. Trong khong gian véi hé toa do0 Oxyz, cho hai diém A(l; 2; —2), B(3; 4;4) va
mat ph:fmg (P): 2x+y-z+6=0. Tim toa d¢ diém M ndm trén (P) sao cho

MA? + MB® nho nhat.
A. M(-2;1;1). B. M(-3;1;1). C. M(-2;1;3).  D. M(3;-1;1).

Loi giai tham khao
Ap dung cong thiic 2(MA2 + MBZ) =4MI* + AB® véi I la trung diém ctia doan AB.
Vay dé MA? + MB® dat gid tri nho nhat khi MI nhé nhét. Hay M 1a hinh chiéu
vuong goc cua I trén (P)

1(2;3;1),ta tim dwoc M (-2;1;3).

Cau 19. Trong khong gian voi hé toa do0 Oxyz, cho hai diém A(l; 2; —1), B(O; 4;0) va
mat phang (P) :2x—y-2z+2015=0. Goi a la goc nho nhat gitta mat phang (Q) di

qua hai diém A, B va tao véi mat phang (P ) . Tinh gia tri ctia cosa .

A. cosazl. B. cosazl. C. cosazz. D. cosa =
9 6 3

Nt

Loi giai tham khao
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Mit phang (Q) di qua diém B nén c6 phuong trinh dang
ax+b(y—4)+cz=0 (Q) (az +b* +¢? >O)

Ma diém 4 ciing thudc (Q) nén a.1+b(2- 4) c(-1)=0<a=2b+c (1).
Mot vécto phap tuyén ctia mit phang ( ) ( -1;- )

(abc)

Mot vécto phap tuyén ctia mit phang ( ) ;
Goi a 1a goc tao boi hai mit phang ( ) ( ) Khi d6 ta co

N [2a—-b -2 )
np.nQ‘ 3Na® +b* +¢?

Thé a=2b+c¢ (1) vao (2) ta duoc

3] _ i
34562 +4bc+2¢® 56 + dbe + 2¢2
+) Néu b=0= cosa=0 = a=90°.

cosa =

+)Néu b # 0= cosa = = = <

HT-0 FO-0 F6T
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1A. SU PONG BIEN, NGHICH BIEN CUA HAM SO

1C 2D 3C 4A 5C 6B 7A 8B 9D 10C
11D 12A 13D 14A 15B 16D 17C 18D 19B 20D
21D 22A 23A 24A 25C 26A 27C 28D 29B 30A
31B 32D 33A 34C 35D 36A 37A 38C 39D 40A
41A 42D 43D 44A 45B 46D 47A 48A 49A 50D
51D 52D 53B 54C 55C 56A 57C 58C 59A 60C
61A 62C 63C 64A 65A 66A 67A 68B 69B 70A
71C 72B 73A 74B 75A 76A 77D 78D 79B 80C
81B 82A 83C 84D 85A 86C 87D 88A 89A 90A
91B 92C 93D

1B. CUC TRI CUA HAM SO

1A 2D 3A 4A 5A 6A 7D 8D 9D 10B
11C 12C 13A 14C 15C 16A 17C 18A 19B 20B
21A 22C 23C 24C 25B 26A 27B 28A 29A 30A
31D 32C 33A 34A 35A 36D 37A 38C 39A 40C
41D 42C 43A 44D 45D 46A 47D 48B 49D 50A
51D 52D 53C 54B 55A 56C 57A 58C 59B 60D
61C 62D

1C. GTLN, GTNN CUA HAM SO

1C 2C 3A 4A 5C 6A 7B 8D 9C 10B
11A 12A 13D 14B 15C 16B 17A 18C 19C 20D
21D 22C 23D 24B 25D 26C 27B 28A 29B 30C
31B 32B 33B 34C 35D 36C 37D 38B 39B 40A
41B 42D 43A 44A 45A 46A 47B 48C 49B 50B

1D. PUONG TIEM CAN

1B 2B 3A 4B 5B 6A 7D 8D 9C 10C
11A 12B 13B 14B 15B 16B 17D 18C 19B 20C
21B 22B 23B 24B 25C 26B 27B 28B 29C 30D
31D 32B 33C 34C 35D 36D 37B 38A 39D

1E. DO THI CUA HAM SO

1C 2D 3C 4C 5B 6B 7D 8C 9A 10B
11A 12D 13A 14B 15C 16C 17A 18C 19C




1F. BAI TOAN TUONG GIAO

1C 2B 3B 4D 5C 6A 7A 8C 9D 10D
11D 12D 13C 14C 15A 16B 17A 18D 19A 20C
21A 22D 23B 24A 25B 26A 27B 28B 29C 30C
31B 32A 33A 34D 35A 36D 37A 38B 39B 40A
41A 42B 43D 44B 45B 46C 47A 48C 49A 50A
51A 52B 53A 54A

1G. TIEP TUYEN CUA PO THI HAM SO

1C 2B 3C 4B 5C 6B 7A 8C 9C 10B
11A 12D 13A 14D 15D 16A 17A 18A




2A. HAM SO LUY THUA — HAM SO MU

1D 2D 3C 4C 5A 6C 7D 8B 9A 10D
11B 12B 13A 14B 15D 16B 17D 18D 19D 20A
21D 22C 23A 24A 25D 26C 27B 28A 29B 30A
31A 32A 33D 34D 35B 36D 37A 38C 39D 40C
41C 42A 43B 44A 45A 46A 47B 48A 49A 50D
51C 52C 53A 54A 55B 56B 57A 58C 59C 60C

2B. HAM SO LOGARIT

1B 2B 3A 4A 5A 6D 7C 8A 9A 10B
11C 12C 13A 14C 15B 16A 17C 18C 19A 20B
21D 22D 23A 24B 25A 26C 27D 28B 29B 30C
31D 32A 33D 34B 35D 36C 37D 38B 39A 40A
41A 42A 43D 44A 45A 46A 47C 48A 49A 50A
51A 52B 53A 54D 55B 56C 57D 58B 59A 60D
61B 62C 63A 64B 65B 66B 67A 68A 69A 70D
71A 72A 73A 74D 75A 76D 77B 78D 79B 80A
81D 82C 83C 84D 85C 86A 87C 88D 89A 90B
91D 92D 93B 94C 95D

2C. PHUONG TRINH MU

1C 2D 3A 4C 5C 6A 7A 8B 9A 10A
11C 12A 13B 14A 15D 16B 17A 18D 19C 20A
21B 22C 23C 24B 25A 26C 27B 28A 29A 30A
31C 32A 33C 34A 35A

2D. PHUONG TRINH LOGARIT

1B 2B 3C 4A 5A 6D 7C 8D 9C 10B
11C 12A 13B 14C 15B 16A 17C 18A 19A 20B
21A

2E. BAT PHUONG TRINH MU

1A 2B 3B 4A 5B 6B 7C 8A 9D 10C
11C 12D 13A 14A 15A 16A 17C

2F. BAT PHUO'NG TRINH LOGARIT

1D 2D 3C 4B 5D 6B 7C 8C 9A 10B
11D 12C 13B 14B 15C 16A 17A 18A 19B 20C
21B




3A. NGUYEN HAM

1A 2A 3D 4C 5A 6C 7A 8A 9D 10B
11B 12C 13D 14A 15B 16A 17C 18C 19C 20C
21C 22A 23B 24A 25D 26D 27B 28A 29C 30C
31B 32B 33A 34B 35D 36D 37A 38A 39A 40B
41A 42C 43C 44B 45D 46B 47B 48B 49A 50D
51B 52B 53B 54A 55D 56A 57C 58D 59A 60D
61B 62D 63B 64D 65B 66B 67B 68B

3B. TICH PHAN

1B 2A 3D 4B 5A 6B 7B 8A 9A 10B
11D 12A 13A 14C 15D 16A 17C 18C 19C 20D
21A 22D 23C 24C 25C 26A 27C 28D 29C 30A
31C 32A 33C 34B 35B 36A 37A 38B 39A 40C
41B 42B 43B 44D 45C 46D 47D 48C 49A 50C
51D 52D 53D 54C 55D 56B 57A 58C 59C 60A
61B 62C 63D 64A 65D 66D 67A 68D 69C 70B
71A 72B 73D 74B 75A 76C 77B 78A 79C 80C
81A

3C. DIEN TICH HINH PHANG

1C 2B 3D 4B 5A 6C 7B 8B 9D 10C
11C 12A 13D 14B 15D 16C 17A 18B 19C 20A
21A 22B 23A 24B

3D. THE TICH KHOI TRON XOAY

1C 2A 3B 4C 5A 6C 7A 8D 9C 10C
11B 12C 13C 14A 15D 16A 17B 18A 19B 20A
21B 22C 23D 24D 25A 26D 27B 28A 29C 30C




4A. TINH TOAN VO1 SO PHUC

1C 2A 3A 4A 5B 6A 7D 8A 9B 10C
11C 12B 13B 14A 15A 16A 17C 18A 19A 20A
21D 22D 23D 24D 25D 26B 27D 28B 29A 30C
31B 32B 33D 34C 35D 36A 37D 38C 39B 40A

41A 42A 43B 44B 45A 46B 47A 48C 49C 50C
51D 52A 53B 54C 55A 56A 57D 58C 59C 60C
61A 62C 63C 64B 65C 66B 67D 68B 69A 70B
71D 72B 73A 74A 75A 76C 77D 78A 79A 80D

81A 82B 83A 84A 85D 86A 87A 88C 89C 90A

91C 92B 93A 94C 95C 96A 97D 98A 99A 100C
101A |102A |103A |104C |105C |106A |107C |108D |109C |110A
111D |112A | 113A | 114D |115A |116A |117A |118C |119A |120A

121A | 122A | 123A | 124B |125B |126C | 127D |128B |129C |130C
131C | 132C

4B. TAP HOP PIEM — BIEU DIEN SO PHUC

1B 2A 3A 4A 5B 6A 7D 8B 9B 10D
11D 12A 13B 14B 15A 16B 17D 18B 19A 20B
21D 22A 23D 24B 25D 26C 27C 28D 29C 30A
31A 32A 33A 34D 35D 36C 37B 38B 39B 40C
41C 42B 43C 44D 45A 46C 47A 48A 49D 50D
51A 52B 53C 54A

4C. PHUONG TRINH NGHIEM PHUC

1A 2C 3D 4D 5A 6A 7C 8A 9A 10D
11A 12A 13A 14A 15A 16A 17B 18B 19A 20C
21A 22C 23C 24A 25B 26C 27A 28A 29A 30B
31A 32A 33A 34C 35B 36C 37A 38A 39A 40A
41C 42D 43B 44D 45A 46B 47C 48A 49C 50C
51B 52B




5A. BAI TOAN VE KHOANG CACH & GOC

1D 2C 3A 4B 5B 6A 7D 8A 9A 10B
11B 12A 13D 14D 15A 16A 17C 18B 19D 20A
21A 22A 23D

5B. THE TICH KHOI CHOP

1B 2A 3B 4C 5B 6C 7B 8B 9D 10C
11C 12B 13B 14A 15C 16C 17D 18D 19B 20D
21D 22D 23C 24A 25C 26D 27A 28C 29A 30A
31A 32B 33B 34A 35A 36A 37C 38D 39C 40C
41C 42C 43C 44C 45B 46B 47B 48C 49D 50D
51A 52D 53A 54C 55B 56B 57A 58C 59D 60A
61A 62C 63B 64D 65B 66A 67C 68A 69A 70A
71D 72C 73D 74B 75B 76B 77D 78D

5C. THE TICH KHOI LANG TRU

1A 2A 3B 4A 5C 6B 7B 8A 9B 10C
11C 12A 13B 14D 15A 16A 17B 18C 19A 20C
21D 22C 23B 24D 25C 26C 27B 28B 29D 30A
31C 32A 33C 34A 35D 36D 37A 38D 39C 40B
41A 42A




6A. MAT NON

1A 2B 3A 4B 5D 6B 7D 8A 9D 10B
11D 12B 13A 14C 15C 16D 17A 18A 19B 20C
21C 22B 23A 24D 25A 26D 27A 28B 29B 30A
31C 32D 33D 34B 35A 36A 37B 38A 39B 40A
41C 42B 43B 44A 45C 46C 47D 48A 49A 50D
51B 52B 53C 54B 55A 56D 57C

6B. MAT TRU

1C 2B 3B 4D 5A 6A 7C 8A 9A 10D
11B 12A 13B 14A 15B 16B 17C 18B 19A 20B
21B 22D 23A 24D 25B 26A 27A 28C 29B 30C
31B 32D 33A 34A 35C 36A 37B 38D 39A 40C
41A 42A 43B 44D 45A 46C 47C 48A 49A 50C
51B 52B 53A 54A 55A 56A 57B 58A 59B 60A
61C 62C 63B 64C 65B 66A 67A

6C. MAT CAU

1A 2A 3B 4A 5C 6B 7B 8A 9B 10C
11C 12A 13B 14D 15A 16A 17B 18C 19A 20C
21D 22C 23B 24D 25C 26C 27B 28B 29D 30A
31C 32A 33C 34A 35D 36D 37A 38D 39C 40B
41A 42A




7A. TOA PO PIEM — VECTO’

1C 2A 3C 4A 5D 6D 7A 8C 9A 10B
11A 12A 13A 14D 15B 16C 17A 18A 19C 20A
21D 22A

7B. PUONG THANG TRONG KHONG GIAN

1B 2A 3A 4B 5C 6A 7A 8C 9C 10B
11A 12A 13B 14A 15A 16A 17D 18D 19C 20C
21D 22B 23D 24A 25A 26A 27B 28B 29A 30C
31A 32A 33A 34D 35B

7C. MAT PHANG TRONG KHONG GIAN

1B 2C 3D 4A 5B 6A 7D 8A 9B 10D
11C 12D 13A 14D 15C 16C 17A 18A 19A 20B
21A 22C 23D 24A 25B 26C 27A 28C 29A 30C
31C 32A 33C 34D 35C 36A 37A 38B 39D 40A
41A 42C 43C 44A 45D 46D 47A 48D 49A 50A
51C 52A 53A 54A 55A 56A 57C 58C 59C 60D
61A 62A 63A 64B 65A 66D 67C 68A 69A 70A
71B 72C 73A 74D 75C 76A 77B 78A 79D 80A
81B 82A 83A 84B 85B 86B 87D 88A 89A 90B
91A 92D 93B 94B

7D. MAT CAU TRONG KHONG GIAN

1A 2A 3A 4D 5A 6A 7A 8A 9D 10C
11A 12B 13B 14A 15B 16B 17B 18D 19A 20A
21A 22D 23C 24D 25A 26D 27C 28D 29B 30A
31A 32C 33B 34D 35D 36B 37B 38D 39A 40C
41A 42C 43A 44D 45C 46A 47C 48C

7E. KHOANG CACH — GOC — HINH CHIEU

1A 2A 3B 4B 5B 6B 7B 8C 9A 10B
11A 12B 13B 14A 15D 16B 17A 18C 19B 20C
21A 22B 23B 24D 25C 26A 27B 28D 29D 30B




8A. TOAN THUC TE: UNG DUNG PAO HAM

01A 02A 03A 04C 05A 06A 07A 08B 09A 10A
11B 12D 13C 14C 15B 16A 17C 18C 19B 20C
21A 22A 23A 24A 25A 26A 27D 28C 29A 30B
31A 32C 33D 34B 35A

8B. TOAN THUC TE: LOY THUA - MU — LOGARIT

01A 02C 03B 04A 05C 06D 07A 08B 09A 10A
11D 12B 13C 14A 15C 16C 17B 18D 19A 20B
21D 22A 23A 24B 25B 26B 27C 28D 29A 30A

31A 32A 33C 34A 35A 36D 37A 38B 39B 40D
41D 42A 43A 44D 45A 46A 47A 48B 49A 50B
51A 52A 53A 54A 55C 56A 57B 58C 59A 60A
61A 62D 63A 64C 65A 66B

8C. TOAN THUC TE: TICH PHAN

01B 02D 03B 04A 05B 06B 07B 08D 09C 10B
11D 12A 13D 14C 15A 16D 17A 18B 19D 20A
21A 22C 23A

8D. TOAN THUC TE: NON - TRU - CAU

01C 02C 03B 04C 05A 06D 07A 08A 09C 10D
11D 12C 13D 14C 15C 16A 17C 18A 19A 20A
21A 22A 23A 24C

8E. TOAN THUC TE: TOA PO KHONG GIAN

01A 02C 03B 04B 05A 06D 07A 08D 09C 10C
11A 12A 13D 14A 15D 16A 17C 18C 19D




