SO GD&DPT THUA THIENHUE ~ PE CUONG ON TAP CUOI HQC KY Il NAM HQC 2021 — 2022
TRUONG THPT HAI BA TRUNG MON TOAN - KHOI 12

A. NOI DUNG: Cac em 6n tap lai toan bo ly thuyét va bai tap:
1. Giai tich: Chuong III. Nguyén ham, tich phan, izng dung tich phan. Chuong IV. Sé phiic.
2. Hinh hoc: Chuong I11. Phuong phép toa dé trong khong gian.

B. BAlI TAP BO SUNG:

PHAN I: TRAC NGHIEM
1. NGUYEN HAM, TiCH PHAN VA UNG DUNG

A~ N J4 2 A A A A N A AN A
Cau 1: Ham s& F(X)=e" 1a mot nguyén ham cua ham s6 nao sau day?

A. f(x)=2e* B. f(x)=2¢"+C. C. f(x):%e2X+C. D. f(x):%e“,
Cau 2: Néu Jf(x)dx=§+|n|2x|+c thi ham s6 f (x) 2
A f(x)=Vx+—. B f(x)=—i+— C. f(x):i+ln(2x) D f(x)=—i+i
2 X2 X X’ X2 2x
Cau 3: Nguyén ham F(x) caa ham s6 f(x):c032x+COSZX la
A. F(x)=2sin2x—tanx+C. B. F(x)=%sin2x—tanx+c.
C. F(x):%sin2x+tan x+C. D. F(x)=-2sin2x+tanx+C.
Cau 4: Cho hai ham sé f (x) va g(x) lién tuc trén [R . Ménh d& nao dusi day ding?
[ f(x) | [ £(x) 1. 1
A. I_T—Sg(x)_dx 2_[ dx+3jg B. I_ 5 —3g(x)_dx=§ff(x)dx+3jg(x)dx
C. I_f(zx)—3g(x)_dx 2[ £ (x)dx—3[g(x) D. I_f(zx)—?:g(x)_dx=%jf(x)dx—3jg(x)dx
Cau 5: Tinh nguyén ham P = j(2X+5)5 dx.
° 2x+5)" °
A P =—(2X1+25) rc. B p 28 X;r Vic.  cw =(2X;5) +C.  D.P =(2X;5) +C.

Cau 6: Cho F(x) la mot nguyén ham cia ham sé f (x) trén K. Chon ménh dé sai.
A. (I f (x)dx)' =f(x). B. (I f (x)dx)' = f'(x). C. I x)dx=F(x)+C. D. (J'f(x)dx) =F'(x).
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Cau 7: Cho ham s6 f (x) co dao ham f'(x)=8x°+3x*,VxelR va f(1)=2. Biét F(x) la nguyén ham cia
f (x) thoaman F(0)=3. Tinh F(10).

A. 8330. B. 8333. C. 42493. D. 42490.

2 2
Cau 8: Cho _[ f(x)dx=3.Khid6 | =I[4f(x)—3]dx bang
0 0

A. 6. B. 3. C. 9. D. 12,
6 2
Cau 9: Cho [ f(x)dx=12. Tinh I = [ f (3x)dx.
0 0
A. | =6. B. | =4 C.1=2 D. I =36.
Cau 10: Cho [ f (x)dx = 2_iC.Khido [ f(2x)dx bing
x?+1
1 8 1 2
A +C. B. +C. C. +C. D. +C.
x? +1 Vax? +1 Vax? +1 x* +1

3
Cau 11: Cho hamsé f (x) ¢o f(3)>0, f'(x) lientuctren IR va [[(x—1) £7(x)]'dx=2. Tinh f(3).
1
A 1. B. 3. C. 4. D. 2.

4
Cau 12: Cho | :Ix 1+2xdx va U=+/2X+1. Ménh dé nao duéi day sai?
0
13 ; 2(,,2 13 1 u5 u3
2 2 _ _ 2 2 _
A. IZEJ;X (¥ -1)dx. B, I_Jl.u (u*-1)du. C. I—E_l[u (V*-1)du. D I_E[E—gj .

u=x>

. Ménh dé nao duéi day ding?
dv=cos2xdx Y £

Cau 13: Tinh tich phan | = f x* c0S 2XdX bing cach dat {
0

A | =x%sin2x

T T
g—jxsin 2xdx. g | =x%sin2x ’5+Ixsin 2XdX.
0 0

: T 1., o
c. | :%xzsm 2X g—_[xsm 2XdX. D | :Exzsm 2X ’(§+.[xsm 2XdX.
0 0

21
Cau 14: Cho |
5 X

A. a+b=c. B. a+bh=-2c. C. a—b=-2c. D. a—b=-c.

X , \
N =aln3+bIn5+cIn7 vsi &,b,C 13 cac sé hitu ti. Ménh d& nao dusi day ding?
X+

Cau 15: Tinh tich phan | = (X+92X)dx ta dugc | =a.e”+b véi a,b lacac sé hiwu ti. Tinh S =12a—b.

O'-—.I—‘

A. S=11. B. S=5. c. S=8. D. S=13.
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Cau 16: Dién tich S cua hinh phang gisi han béi do thi cua ham sé y = f (x)lién tuc, truc hoanh va hai duong
thang x=a, x=b duoc tinh theo cdng thic:

b 0 b
A S = []f(x)|dx. B. S=[f(x)dx—[f(x)dx. C.S= j dx+j x)dx. D. S = j
a a 0
Cau 17: Dién tich hinh phing gi¢i han boi cac duong Y =X°—X, Y =0, X=0 va x=2 duoc tinh bai cong
thuec:

A. I(X—Xz)dx- B. (x —x)dx C. I x —x dx+I x - X dx D. j X —-X dx

P C— N

(x2 — x)dx

o'—.»—\

Cau 18: Dién tich hinh phing duoc gi¢i han bsi dd thi cua ham sé Y = X°, truc hoanh va hai duong thing
x=-1,x=31a

A @ B 1 C @ D ﬂ
"9 '3 3 3
Cau 19: Dién tich hinh phang gigi han bai d6 thi ham sé Yy =Sin X+1, truc hoanh va hai duong thang X =0 va
“ i I
=— 14
6
A £+7—ﬁ—1. B. £+7—”+1. C. £ 7—”—1 D. £+7—ﬁ+1.
2 6 2 3 4 6 2 6

Cau 20: Dién tich hinh phang gisi han bdi ham sé Y = Xa/x* +1, truc OX va duong thing x =1 1a

R 2\2-1 . 242+1 - 32-1 S 3-2
. 3 . . 3 . . 3 . . 3 .
Cau 21: Tinh dién tich hinh phang giéi han boi do thi hai hamsé y=-x?+4 va y=—X+2.
A. 2 B. 9, c.d D. 9.
7 2 3

. . . _ x—1
Cau 22: Goi S 1a dién tich hinh phiang giéi han boi do thi cua ham so6 (H ) y= 1

va cac truc toa do. Khi do

gid tri ciia S bang

A In2+1. B. In2-1. C. 2In2-1. D. 2In2+1.
Cau 23: Tinh dién tich hinh phing gisi han bai db thi ham sé Y = X* +1 va duong thing Y = X+3.
A. E B. E C. Z D. g
3 3 2 2

Cau 24: Tinh dién tich hinh phing gisi han bai hai dd thi ham sé y = /X ; ¥ =6—X va truc hoanh.

A B. 2 c. 2 p. 2,
3 3 3
Cau 25: Tinh dién tich hinh phing giGi han bai dd thi cac ham s§ y = x> —x va y = 3x.
5 32
A S=2. B.S=20, c. 5=, D. S=9.
3 3 3
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Cau 26: Cho phan vat thé (H) gi6i han bai hai mat phang c6 phuong trinh x=0 va x=2. Cét phan vat thé (H)
boi mat phang vudng goc vei truc Ox tai diém c6 hoanh do x (0<x<2), ta dugc thiét dién 1a mot tam gidc déu
c6 do dai canh bdng xv/2—x . Tinh thé tich V cta phan vat thé (H).

AV =2 B.V ==~ C.V =43 D.V =+/3.

Cau 27: Goi (H) la hinh phang gi¢i han boi cac duong y = JxInx, truc Ox,x =1,x =e . Tinh thé tich khdi tron
xoay duoc tao thanh khi quay hinh phang (H) quanh truc Ox.
) ey rfess) e
A ——. B. ——. cC. —. D, ——.
4 3 3 4
Cau 28: Tinh thé tich vat thé tron xoay do hinh phang gigi han boi Y = ~In X, truc Ox va duong thang x= 2
quay xung quanh truc Ox.

A. 2In2+ 1. B. 27In2+ 1. C.2zxIn2- 7. D. 2In2- 1.

Cau 29: Cho hinh phing D gici han véi duong cong Y =+/X? +1, truc hoanh va céc duong thang x=0,x=1.
Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?
4 i

AV =2r. B.V=—. Cc.V

: D.V =2
3 3

Cau 30: Cho hinh phang D gigi han boi duong cong Y =+/2+sin X, truc hoanh va cac duong thang X=0,
X =77 . Khéi tron xoay tao thanh khi quay D quay quanh truc hoanh cé thé tich V bang bao nhiéu?

AV =272 B.V =2r. c.V =2z(r+1). D.V =2(z+1).
2. SO PHUC
Cau 31: Cho s6 phic z=3+2i. Tim phan thuc va phan 4o cia sé phac Z .
A. Phan thuc bang 3, phan 4o bang 2. B. Phan thuc bang —3, phan 4o bang 2.
C. Phan thyc bing 3, phan a0 bang —2. D. Phan thyc bang —3, phan 4o bang —2.
Cau 32: Tim sb phuc lién hop cua sé phuc z =i(3i+1).
A z=3-1. B. z=-3+i. C.z=3+i. D.z=-3-1i.
Cau 33: S6 thuc thoaman 2+(5-y)i=x—1+5i la
x=3 xX=6 x=-3 x=-6
A. . B. . C. . D. .
y=0 y=3 y=0 y=3
Cau 34: Thu gon z=(2+3i)(2-3i) ta duoc
A. z=4. B. z=-9i. C. z=4-9i. D. z=13.
Cau 35: Cho sb phirc z=1++/3i . Khi do
Al l A3 B.1=1+£i. c 1.1, o 1.1 43,
z 2 2 z 2 2 z 4 4 z 4 4
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Cau 36: Rt gon s6 phic z=i+(2-4i)—(3-2i) ta duoc

A. z=5+3i. B. z=-1-2i. C. z=1+2i. D.z=-1-1i
Cau 37: Cho hai s6 phic z, =1+2i va z, = 2—4i. Xac dinh phan ao cua s6 phic 3z, — 2z, .

A. 14. B. 14i. C. -2 D. -2i.
Cau 38: Thuc hi¢n phép tinh 12+21 ta duoc két qua:

+ 21
A. é_éi_ B. ﬁ_ﬁi, C. 3+1. D. é+§i.
5 5 5 5 5 5

Cau 39: Cho s phic z=6+7i. Sb phic lién hop cua z 1a

A. z=6+7i. B. z=6-7i. C.z=-6+7i. D. z=—6-7i.
Cau 40: S6 phuc z=x+Yi(x,y e|R) théa x—1+yi=—x+1+xi+i. Modun cia z bang

A. 243. B. 24/5. C. 3. D. 5.
Cau 41: Tim tham s thyc m dé phuong trinh z? +(13-m)z+34=0 c6 mot nghiém phic 14 z=-3+5i.

A. m=3. B. m=5. C. m=7. D. m=09.

Cau 42: Cho s6 phuc z=a+bi(a,belR) thoa man (2-3i)z=(1+2i)z+3-7i. Tinh Pzg.

3

A —. B. l C. 3. D. 2.
2 3

Cau 43: Tim s6 phirc z sao cho (1+2i)z la sé thudn ao va ‘22—2‘ =4/13.

A z=12+1. B.z=-—2-1. C.z=-. D.z=-2-2i.
Cau 44: Tim tap hop cac diém M biéu dién sb phic z sao cho w= Z+_—'+; 1a s6 thuan ao.

Z+7+2i

A. Mot Parabol. B. Mot Elip. C. Mot duong tron. D. Mot duong thang.
Cau 45: Sé phiric z=1-2i duoc biéu dién trong mat phang (Oxy) bai diém M c6 hoanh do bang

A 1. B. -1. C.2. D. 2.

Cau 46: Cho s6 phirc z thoa mén (2 Z)(E+i) la s6 thuan a0. Tap hop diém biéu dién sé phic z 1a dudng tron

A. (x—1)2+(y—%)2 =Z. B. x2+(y—%)2 :Z. C. x2+(y+%)2 =i. D. (x+%)2+y2 =1.

Cau 47: Cho s phirc 2 thoa man (3—i)(z+1)+(2i)(z+3i) =1-i. Tinh [ —|.
1+ Z
A Y82 5. V82 c. 282 p. 3V82
4 8 9 5

Cau 48: Cho s6 phirc z théa man : |z-2i|=|z+2|. Gia tri nho nhét cua biéu thirc P =|z+2i|+|z-5+9i.

A. 70. B. 3./10. C. 445. D. \74.
Cau 49: Cho sé phitc z thoa man: |2—3—4i|=+/5 , tim |2| dé biéu thic P=|2+2 ~|z~i[ dat GTLN,

A. 5\2. B. 10. C. 24/5. D. 345.

Cau 50: Cho sé phic z thoa man: |z—(3+4i)|=+/5. Goi K va H lin luot Ia GTLN va GTNN cua biéu thirc
P=|z+2 +|z-i[. Tinhting T=K +H .

A T=138. B. T=133. C. T=+113. D. T=+/138.
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3. HINH HOC
3.1. HE TQA PO TRONG KHONG GIAN

Cau 51: Trong khong gian Oxyz, cho a=-i+2j-3K.Toadd cla vecto a 1a

A. (2,-1,-3). B. (-3,2-1). C. (2-3-1). D. (-12-3).
Cau 52: Trong khong gian Oxyz , cho diém A(3;-11). Hinh chiéu vudng goc cua A trén mat phang (Oyz) la
A. M (3,0;0) B. N(0;-L1). C. P(0;-10). D. Q(0;0;1).
Cau 53: Trong khong gian Oxyz , hinh chiéu caa diém M (3;-2;5) trén truc Oz la
A. M'(0;-2;5). B. M'(3,-2;0). c. M’(0;0;5). D. M'(3;2;5).
Cau 54: Trong khdng gian Oxyz , cho hai diem A(LL—-2) va B(2;2;1). Vecto AB c6 toa dd 1a
A (33-1). B. (-1-1-3). C. (311). D. (113).
x =3t
CAu 55: Xdc dinh toa do diém A’ dbi xtng véi diém A(2;-1;3) qua duong thang (d):{y =—7+5t.
2=2+2t
A A'(4;-3;5). B. A'(7:-6;8). C. A(=L2:0). D. A'(3,-2:4).

Cau 56: Trong khong gian Oxyz, cho cac vecto a=(L2;3); b=(-241); c=(-134). Vecto
v =2a—3b+5C c6toads I

A v=(7;323). B. v=(23,7;3). C.v=(7;233). D. v=(3;7;23).
Cau 57: Trong khong gian Oxyz, cho AABC biét A(2;0;0), B(0;2;0), C(LL3). H(Xy;Ye:Z) la chan
duong cao ha tir dinh A xudng BC. Khi d6 X, + Y, + Z, bang

"9 11 11 134

Cau 58: Trong khong gian Oxyz, cho hinh thang ABCD vuéng tai A va B. Ba dinh A(1,2;1), B(2;0;-1),
C(6;1;0) Hinh thang c6 dién tich bang 642 . Gia sir dinh D(a;b;c), tim ménh dé dang?

A. a+b+c=6. B. a+b+c=5. C.a+b+c=8. D. a+b+c=7.
Cau 59: Trong khong gian OXyz , Viét phuong trinh mét cau (S )co tam 1(—4; 2; —3) va tiép xtc véi mét phang
(P):2x—y-2z+1=0.

A (S):(x=4)+(y+2) +(z-3)°=1.  B.(S):(x=4)+(y+2)*+(z-3)° =5.
C.(S):(x+4) " +(y-2)° +(z+3)°=5.  D.(S):(x+4)+(y-2) +(z+3)° =1.
Cau 60: Trong khang gian Oxyz , cho tam giac ABC véi A(LL1), B(2;3;0). Biét ring tam gidc ABC c6 truc
tam H (0;3;2) tim toa do ciia diém C.
A. C(3,2;3). B. C(4,2;4). c. C(121). D. C(2,2;2).
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Cau 61: Trong khdng gian Oxyz , cho ba diém A(3;2;1), B(-13;2); C(2;4;—3). Tich v huéng AB.AC Ia

A. 2. B. —2. C. 10. D. 6.
Cau 62: Trong khong gian Oxyz , cho hai vecto U =(LL—2), V=(L0;m). Tim m dé géc giira hai vecto U,V
bang 45°.

A. m:2—\/5. B. m:2+\/5. C. m=2i\/6. D. m=2.
Cau 63: Trong khéng gian Oxyz , cho mat cau (S) X+ y2 +7° —4X+2y—-22—-3=0. Timtoa do tam | va
ban kinh R cua (S).

A 1(2;-1;1) va R=3. B. I(-2%-1) va R=3.
C. 1(2-11) va R=9. D. 1(~21-1) va R=9.
Cau 64: Trong khdng gian Oxyz , viét phuong trinh ciia m3t chu c6 dwong kinh AB véi A(2;10), B(0;1;2).
A. (x—l)2 +(y—1)2 +(z—1)2 =4, B. (x+1)2 +(y+1)2 +(z +1)2 =2.
C. (x+1) +(y+1)" +(z+1)" =4. D. (x-1)° +(y-1)" +(z-1)" =2.

Cau 65: Trong khong gian Oxyz, cho A(=10;0), B(0;0;2), C(0;—3;0). Ban kinh mat cu ngoai tiép tir dién
OABC la
A Y14 5, Y14 c. Vi D. 14
3

4 )
3.2. PHUONG TRINH MAT PHANG
Cau 66: Trong khong gian Oxyz , cho mat phing (P) : X+2Yy —3z +4 = 0. M3t phing (P) ¢6 mot vecto phap
tuyén la
A n=(12-3). B.n,=(123). C. n,=(2-34). D. n, =(4-2;3).
Cau 67: Trong khdng gian Oxyz , cho mét phang (P):x+2y —3z—1=0. Diém nao sau dy thudc (P)?
A. M (L23). B. N(L2-3). C. P(13;2). D. Q(L11).

Cau 68: Trong khong gian Oxyz, cho diém A(0;0;-3) va dudng thang d c6 phuong trinh XT_l _y-1_

Phuong trinh mit phang di qua A va vudng goc véi duong thang d 1a:

A 2Xx—y+2z+3=0.B. 2Xx—-y+2-3=0. C.2x-2y+z-5=0. D. 2X-y+z—-4=0.
Cau 69: Trong khong gian Oxyz , cho mat phang (P): nx—2y+mz—2=0 vamatphang (Q):x+y—-z+3=0
song song vai nhau. Tinh S =3m-+n.

A. -1 B. 1. C. 5. D. 4.
X=1+2t
Céau 70: Trong khéng gian Oxyz , cho diém A(10;0) va hai duong thang d, :XT_?’ = yT—G ~tva d,:qy=5
B z7=4-t

. Phuong trinh mat phang qua diém A va song song véi ca hai duong thang d,,d, la
A Xx+y+2z-1=0. B.2Xx+Yy+2z-1=0. C.x+y+z-1=0. D. x+2y+2z-1=0.
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Cau 71: Trong khdng gian Oxyz, cho 3 diém A (0:2,1),B (3;0;1),C (3;0;0). Phuong trinh mt phang (rBC) l&:
A 2x+3y- 4z- 2=0.B.2x- 3y- 4z+1=0.C. 4x+6y- 82+2=0. D. 2x- 3y- 4z+ 2= 0.

Cau 72: Trong khong gian Oxyz, mét phang (P ) tiép xtc véi mat cau (S):(x- 1)2 +y+ 3)2 +(z- 2)2 = 49 tai
diém M (7;- 1 5) c6 phuong trinh la:

A 3x+y+z-22=0.B.6x+2y+3z-55=0 C.6x+2y+3z+55=0D.3+y+z+22=0.
Cau 73: Trong khong gian Oxyz, cho hai diém A(L2;2), B(3;—2;0). Viét phuong trinh mét phang trung truc
cua doan AB.

A. x-2y-2z=0 B. x-2y-z-1=0 C.x-2y-z=0 D. x-2y+z-3=0
Cau 74: Trong khong gian Oxyz, cho diém G (2;1;1). Mt phang (P ) qua H, cét cAc truc toa dé tai A, B, Cva G
Ia trong tam cta tam giac ABC. Phuong trinh mit phang (P) la:

A x+2y+22+6=0. B.x+2y+22- 6=0.

C.2x+y+z- 6=0. D.2x+y+z+6=0.

Cau 75: Trong khong gian Oxyz, cho diém H (2;1;1). Mat phing (P ) qua H, cat c4c tryc toa d tai A, B, C va H
|a truc tam cua tam gidc ABC. Phuong trinh miat phang (P ) la:

.§+X+5:-1, B,§+X+5=1_ C.2x+y+z=1. D.2x+y+z+6=0.
3 6 6 6

Cau 76: Trong khong gian Oxyz, mat phang qua A(l;- 2;- 5) Va song song véi mat phang (P) X-y+1=0
cach (P) mot khoang c6 d¢ dai la:

A. 2. B. \2. C. 4. D. 242,
Cau 77: Trong khong gian Oxyz, cho mit ciu (S):x*+y°+2z°—4x-2y+2z+5=0 va mat phing
(P):3x — 2y + 6z + m = 0. C6 bao nhiéu gia tri nguyén cia m dé (S) va (P) c0 it nhat mot diém chung?

A. 15, B. 14. C. 13. D. 12.
Cau 78: Trong khdng gian Oxyz , mt phang (&) di qua diem M (1;2;1) va cét cac tia Ox, Oy, Oz lan luot tai

A, B, C saocho do dai OA, OB, OC theo thir ty tao thanh cp s6 nhan c6 cong boi bang 2. Tinh khoang céch
tir gbc toa do O téi mat phang (a).

A 2L B 4 c. V2L D. 9V2L
7 J21 21

Cau 79: Trong khang gian Oxyz, mit phing (P):x++/2y—z+3=0 cit mat cau (S):x* +y* +2? =5 theo giao
tuyén 1a mot duong tron co dién tich 1a
oz 157 11z

N B. % c. /7. D. 17
4 4 4 4

Cau 80: Trong khong gian Oxyz , cho hai diém A(2;4;1), B(-113)va mit phang (P):x-3y+2z-5=0. Mot
mit phang (Q) di qua hai diém A, B vavudng géc véi (P) c6 dang: ax+by +cz—11=0. Khing dinh dung la
A. a+b=c. B. ae(b;c). C. b>2019. D. a+b+c=5.
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3.3. PHUONG TRINH DPUONG THANG

X=1-t
Cau 81: Cho duong thang d :{y=-2+2t. Vecto nao dudi day 1a vecto chi phuong cua d ?
z=1+t
A fi=(L-21). B. i=(121). C. fi=(-L-21). D. fi=(-121).
Cau 82: Trong khong gian Oxyz , duang thang di qua diém A(L—2;3) va c6 vecto chi phuong U =(2;-1-2) ¢6
phuong trinh la
x-=1 y+2 z-3 x-1 y+2 z-3
2 -1 -2 -2 -1 2
— — X+1 -2 2z
C.X 1:y+2:z 3' D. +1_y-2_ +3.
-2 1 -2 2 -1 -2
Cau 83: Trong khong gian Oxyz, cho diém A(2;3;1), B(5;2;2). Phuong trinh duong thing d di qua A, B 1a:
x=1-2t x=1-2t X=2+3t x=1-2t
Aly=1+t . B.ly=1+t . C.ly=3-t. D.ly=1+t .
z=-1+2t z=2t z=1+t z=—t

Cau 84: Trong khong gian Oxyz, cho cac diém A(1;0;2),B(1;2;1),C(3;2;0) va D(1;1;3). Duong thang di

qua A vavudng goc véi mat phang (BCD) 6 phuong trinh 1a

x=1-t x=1-t X=1+t X=2+t
A (y=2-4t. B.{y=4t . C.iy=4 . D. {y=4+4t.
z2=2-2t z=2+2t 72=2+2t z=4+2t
A ) A 2 e . L x=1 y-2 z i te 4 2
Cau 85: Trong khdng gian OXxyz , cho dieém A(2;1;3) vaduong thang d ' =3 -1 "1 Goi d 1a duong thang
di qua A va song song d'. Phuong trinh nao sau day khong phai la phuong trinh duong thang d:
X=2+3t' X=-1+3t' X =5-23t" X=-4+3t"
A qy=1+t" . B.qy=t' . C.ly=2-t". D.cy=-1+t".
z=3+t' z=2+t' z=4-t' z2=2+t"
x=1-2t
A : A . \ 2 ) C s 2 . x=3 y-1 z-1
Cau 86: Trong khong gian Oxyz, cho duong thang d:sy=2+t vaduongthang d': = 1 = T
z=—1

Chon khang dinh ding:
A .d//d". B. d,d' cit nhau. C.d=d". D. d,d' chéo nhau.

Cau 87: Trong khong gian Oxyz, cho diém A(LL-1) va (Q):3x—2y+2z+1=0. Phuong trinh duong thing

di qua A va vudng goc voi mp(Q) la:

x=1+3t x=1+3t X=3+t x=1—3t
A y=t+2t . B.<y=1-2t . C.Jy=-2+t. D.ly=1-2t .
z=-1+2t z=-1+2t z2=2-1 z=-1+2t
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x-1 y-2 7+2

Céau 88: Trong khdng gian Oxyz, cho duong thing d : . Piém nao duéi day thudc duong

3 -1
thang d ?
A. (51- 4). B. (- - 11). C. (35;- 3). D. (122).
x=-t
Cau 89: Trong khong gian Oxyz , cho 3 diém A(L0;0),B(0;2;0),C(0;0;3) va dudng thang d :<y=2+t.
Z=3+t
Xac dinh cao do giao diém cua d va mat phang (ABC).
A. 3. B. 6. C. 0. D. —6.
Cau 90: Trong khéng gian Oxyz , cho duong thang A: % = yT_l = Z—_ll biém A'(a;b;c) ddi xung voi diém

A(0;1;-5) qua dudng thang A . Tinh khoang céch tir diém A' dén duong thang A.

A. /10. B. 24/10. C. /30. D. 2+/30.

x-1 y-1 z-2

Cau 91: Trong khong gian Oxyz, cho diém A(L3;1) va dwong thing d : va mat phang

1 2
(P):2x—y—3=0. Phuong trinh dudng thang di qua A, vudng géc d va song song véi mp(P) la:
x=1+3t x=1-3t x=1+3t x=1+3t
A. {y=3+06t. B.<y=3-6t. C.Jy=3+6t. D. Jy=3-6t.
z=1-5t z=1-5t z=1+5t z=1+5t

Cau 92: Trong khéng gian Oxyz, cho mat ciu (S):(x—4)2+(y+3)2+(z+6)2 =50 va dudng thing

d: g = %2 = z_—13 . C bao nhiéu diém M thudc truc hoanh, véi hoanh do 1 sb nguyén matr M ké duoc dén
(S) hai tiép tuyén cung vuéng géc vei d ?
A. 28. B. 29. C. 33. D. 55.

. , , x-1 y+1 z , )
Cau 93: Cho diem M (2;1;0) va duong thing d T T Phuong trinh cta duong thing A di qua
diém M , cat va vudng goc véi duong thang d la:

Xx-2 y-1 z X—2 -1 z

1 4 -2 1 -4 2

) -1 X—2 -1 z

c Xte_¥y-1_ 2 p Xze_Y--_ 2%
-1 -3 2 3 -4 2

A . A . . 2 X -1 Y+ 2 VA R - 2 . e
Cau 94: Trong khong gian OXxyz , cho duong thang d : —— = T =3 va mat phang (P): 2y—-z-1=0. Viét
phuong trinh duong thiang déi xing voi duong thang d qua mat phang (P).

x=1+3t x=1+3t X=1-3t X=1+3t
A y=2+t . B.qy=2+3t. C.ly=2+t. D.{ y=2+t .
z=-2+2t 1=2+2t 7=2+2t z2=-2+4t
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X=1+t
Cau 95: Trong khéng gian OXyz , cho diém M (2;1; 4). piém H (a;b;c) thuoc duong thing A9y =2+t
z2=1+2t

sao cho doan MH ngén nhat. Tinh gia tri cua biéu thac S =a+2b+3c.
A. S =14 B. S =26. c. S=17. D. S=15.

X-2 y-3 z+4
2 3 -5

Cau 96: Trong khong gian Oxyz , duong vudng goc chung cua hai duong chéo nhau d; :

x+1 y-4 z-4

va d, 3 > —— ¢6 phuong trinh la:
X—-2 y-2 z-3 X—-2 y+2 z7-3
A. = = : B. = = :
2 3 4 2 2 2
X_y_ z- X y-2 z-3
17171 2773 T
Cau 97: Trong khong gian Oxyz , viét phuong trinh duong thang d nam trong mat phang (P) : Y +22 =0 dong
Ix=2-t
. _ , X-1_y_z
thoi cat ca hai duong thang di: D I_ Z vad dy=4+2t
z=1
X =1+ 4t Ix =1+4t X =5+ 4t x=1
Aly=-2t. B. y:2t . C.ly=- 2+2t. D.Jy=t
z=t z=-1 z=1+t z=2t

Cau 98: Trong khdng gian OXYZ, cho mat phing (P):3X—3y+22-15=0 va ba diém A(12;0),
B(l;—l;3) ,C(L-1-1). Piém M (X} Yo:Z,) thuoe (P) sao cho 2MA? —MB? +MC? nho nhét. Gi4 tri
2%, +3Y, + Z, bang

A. 11, B. 5. c. 15. D. 10.
Cau 99: Trong khong gian OXYZ | cho hai mat phéng (P) :X—y+z+3=0, (Q):x+2y—-2z-5=0 va
mat cu (S):X* +y*+2° —2x+4y—62—-11=0. Goi M la diém di dong trén (S) va N Ia diém di dong
trén (P) sao cho MN luén vudng géc véi (Q) . Gid tri 16n nhét ciia d6 dai doan thing MN bing

A. 9+54/3. B. 28. c. 14. D. 3+543.
Cau 100: Trong khong gian OXYZ , cho A(2;0;0), M (L11). Mat phang (P) thay dbi qua AM cét céc tia
Oy,Oz lan luot tai B, C. Khi mit phang (P) thay doi thi dién tich tam gidc ABC dat gia tri nho nhat bang bao

nhiéu?

A. 5+/6. B. 34/6. C. 4/6. D. 2:/6.
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PHAN I1: TU LUAN

Cau 1: Tinh cac tich phan sau

S JInx ©oxe
a) I dx . b) j X dx.
X 0 X2 +9
Cau 2: Tinh cac tich phéan sau
In x 4
a) J' b) | xcos2xdx.
0

Cau 3: Cho ham sé f (x) 6 dao ham lién tuc trén IR. Biét f (3)=1 va j xf (3x)dx =1. Tinh j X2 £ '(x)dx.
Cau 4: Cho ham sb f (X) c6 dao ham lién tuc trén JR. Biét f(1)=6va f(x)+2xf'(x)=4.
4
a) Tinh f(4). b) Tinh [ f (x)dx
1

Cau 5: Cho (H) la hinh phang gisi han béi parabol y = x* va duong tron x* +y* =2 (phén to dam trén hinh
v&). Tinh dién tich hinh phang(H).

Cau 6: Trong mat phang toa d Oxy, cho ba diém A(0;4),B(b;4),C(b;0) (v6i b > 0). Parabol (P) dinh O va
Sl

di qua diém B chia hinh chit nhat OABC thanh hai phan ¢ di¢n tich lan lugt 12 S, va S, (véi S, >S,). Tinh =L

2

Cau 7: Trong mat phang toa do Oxy, cho hai diém A(0;2),B(4;2). Tim diém M trén doan thang AB dé
parabol (P) dinh O va di qua diém M chia tam giac vudng OAB thanh hai phan c6 dién tich bang nhau.

Cau 8: Cho hinh phang (H ) gi6i han bi cac duang y = X*,y =2X. Goi S latap hop cac gid tri cua tham s thuc
k dé duong thang x = k? chia hinh phang (H ) thanh hai phan c6 dién tich bang nhau. Hoi tap hgp S c6 bao nhiéu
phan ta?

Cau 9: Cho hinh phing (H)gii han béi hai duong y =Xx*—m(véi m>0) va y =0 quay quanh truc Ox ta
duoc khdi tron xoay (T ). Tim m dé thé tich cua khéi tron xoay (T ) bang %

) In x .
Cau 10: Cho hinh phang (H)gisi han boi cac duong Y = W y=0,X=¢€ quay quanh truc Ox ta dugc khdi

tron xoay (T ). Tinh thé tich cua khoi tron xoay (T).
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Cau 11: Cho phuong trinh z°—2z+2=0 trén (. Goi A va B lan luot 1a cac diém biéu dién cac nghiém cua
phuong trinh. Tinh dién tich tam gidc OAB.

2+6i
3-i

m
Cau 12: Cho sé phuc Z =( ) (m GN’) C6 bao nhiéu gid trj m €[1;50] dé Z la s6 thuan ao?

Cau 13: Cho sé phic Z thoa man sé phac W= W ¢6 phan thyc bang %

+ 1+ i|= 1. Tinh téng phan thyc va phan ao cua z

Cau 14: Cho sé phirc z= x+ yi (X, y€ JlR) théa man - :

khi |z- 3+ 2i dat gia tri lon nht.

Cau 15: Cho s6 phic z thoa man |z—1-2i|=3. Goi M va m la gia tri I6n nhét va gia tri nho nhat cua biéu thic

P :|z—4|2—|z+3i

2 ’ A 5 A , H
| . Tinh médun cua s6 phuc w=M + mi.

Cau 16: Cho hai mit phang (a):x+2y—2z+4=0 va ():2x—2y+z-13=0. Tim diém M trén mat phang
(Oxy) sao cho OM =d(M,(a))=d(M,(B)) ERZ.

Cau 17: Trong khdng gian Oxyz , cho mit cau (S):(x—l)2 +(y—1)2 +2? =4 vamotdiém M (231). Tt M ke
duoc vo sb cac tiép tuyén toi (S), biét tap hop cac tiép diém la duong tron (C). Tinh ban kinh r cia duong tron
(€).

Cau 18: Cho hai diém A(3;-2:3), B(L0;5) va duong thing d: X1 -Y~2_2~

5 3. Tim toa do diém M trén

duong thang d dé MA? + MB? dat gia tri nho nhat.

Cau 19: Cho duong thing A:%l= Y= 2*1 s hai didm AQ2- 1), B(3- L- 5). Tim phuong trinh duong

3 -1
thang d di qua diém A va cat duong thang A sao cho khoang céch tir B d¢én dudng thang d 12 16n nhat.
Xx=2 y-1 z-12

==
(P):2x—2y+z-10=0. Viét phuong trinh duong thang A cit duong thang d va mat phang (P) lan luot tai

Cau 20: Trong khong gian Oxyz,cho diém G(2;4;9), duong thang d: va mit phang

A,B sao cho G latrong tam cua tam gidc OAB.
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= JInx 2 RS 752
Caul: a) dx=—.. b) dx = —.
‘!. X 3 }[ x*+9 5
J. X \/— ji:' 1
Céu 2: —dx=4-2+e. b) | xsin2xdx =—.
R ; 4
1 3
Cau 3: Cho ham s6 f () c6 dao ham lién tuc trén 0 . Biét f(3)=1 va [xf (3x)dx=1. Tinh [x*f'(x)dx.
0 0
4
Cau4: a) f(4)=5. b) [ f(x)dx=16.
1
Cau 5: S=Z+1.
2 3
Cau6: -2 Cau 7: M(%;zj Cau 8: Tap hop S ¢6 2 phan tir.
2
T
Cau9: m=4. CéulO:Vzg-

Cau 11: A(L1),B(L-1)=O0A=0B=+/2,AB=2=S=1.

Cau 12: n(m) =25.

Cau 13: W= = |Z| =4 Tap hop 1a mot duong tron tam 0(0;0), ban kinh r =4 tir di diém A(4;0).

2| -2

Caul4: z=-5+2ip S=- 3.
Cau 15: w=M +mi =17 —43i = |w| = /2138.

Cau 16: M (3,4;0). Cau 17: rzﬁ. Cau 18: M (2;,0;5).
Cau19: d: x-1_y-2_ Z+1.
1 2 -1
« ] « . .2 o . 2 X=2 y-1 z-12 . . 2
Cau 20: Trong khong gian Oxyz,cho diém G(2;4;9), duong thang d: =5 = va mat phang

(P):2x—2y+2z-10=0. Viét phuong trinh duong thang A ct duong thang d va mat phang (P) lan luot tai
A,B sao cho G latrong tam cua tam gidc OAB.

Giai:

t=3= A(510;,15) e d,B(1;2,12) ¢ (P) = AB =(—4;-8,-3)

x-5 y-10 z-15

Vay A = =
VAT 8 3
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